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CHUYEN DE 1: LUGNG GIAC

i= DANG 1. CAC CONG THUC LUONG GIAC

@ Hé théng cong thiic luong gidc nén tang

e Cong thic co ban:

sinx m CoS T
sinz +cos?zr =1; tanx = (l‘#——{—kﬂ'); cotx = — (x # kmr) .
coS T 2 sinx
1
e Hé thitc mé rong: tanz -cotz =1; 1+tan’z=——; 1+4cot’s = ——.
cos? sin” x
e Cong thic cong:
sin(a + b) = sina cos b £ cos a sin b; cos(a + b) = cosacosb F sin a sin b.

e Cong thic nhan doi:

sin 2z = 2sinx cosx;  cos2x = cos?

x—sinzr=2cos?r—1=1—2sin’z.

e Cong thiic bién do6i tich thanh tong:

cosacosb = % [cos(a — b) + cos(a+b)]; sinasinb = % [cos(a — b) — cos(a + b)];

sinacosb = % [sin(a — b) + sin(a + b)].

e Cong thiic bién doi tong thanh tich:

a+b a—>b o a+b . a-—b
cosa -+ cosb = 2 cos 5 coS 5 : cosa — cosb = —2sin 5 sin 5 :
) ) . a-+b a—>b ) ) a+b . a—>b
sina + sinb = 2sin 5 cos 5 ; sina — sinb = 2 cos 5 sin 5

P Vi du 1. Tinh gia tri biéu thic luong giac

™
Cho sinx = = vG6i 5 < x < m. Tinh gia tri ctia tan 2x va cos (x + —).

A Vi du 2. Rt gon bidu thic

Rit gon biéu thic luong gidc sau: A =

sin2x — sinx

1 —cosx +cos2z’

BB Phan II: Trong tam kién thic nén ting 11 1
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P Vi du 3. Chitng minh dang thic

1+ sin 2z cosx +sinx

Chitng minh dang thic lugng giac: (v6i diéu kien biéu thitc c6

Cos 2x cosx —sinx
nghia).

P Vi du 4. Tinh gia tri qua bién trung gian

q 3sinz —
Cho tanz = 2. Tinh gi4 tri cia bidu thic B = o s BT
sinx + 2cosx

I. PHAN TRAC NGHIEM

12 3 N
Cau 1: Cho cosx = I3 varm<z< ; Gia tri ctia sinx bang

N e
Cau 2: Déng thtic nio sau day la sai?

A. sin (g - :L‘) = cos . B. sin(z +7) = sinz.

C. cos(m —x) = —cosz. D. tan (g + (E) = —cotz.

Cau 3: Rut gon biéu thitc M = sin (m + %) — CoS (w - %) ta dudce
A. 0. B. 2sinz. C. V2cosz. D. —/2sinz.

e e e 1.2 . sinx +cosx | .
Cau 4: Cho tanx = 3. Gia tri ctia bieu thic A = —— bang
sinx — cosx

A 2. B. 1. C. —2. D.

DN | —

BB Phan II: Trong tam kién thiic nén ting 11 2
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Cau 5: Biéu thitc P = cos 2z cos z — sin 2z sin z bang biéu thiic nao dudi day?
A. cosz. B. sin3z. C. cos3z. D. sinz.

tan B sin’ B

Cau 6: [Trich dé DGNL 2026 - dgt 1] Cho tam gidc ABC thda man = —.
tanC  sin“C

Tam giac ABC' la tam giac gi?
A. Tam giac vuong. B. Tam giac can.

C. Tam giac déu. D. Tam giac c6 thé vuong hodc can.

Cau 7: [Trich dé DGNL 2026 - dgt 2] Cho tanz = a.

. 4 + 6 cos?
Tinh gid tri biéu thic: A = w.
3sin“x +1
A -1 g 40°+6  4a? 410 b ¢
a?+1 3a2 +1 4a? +1 2

II. PHAN TU LUAN

1 2
Bai 1: Cho cosz = 3 val <z < g Tinh gia tri ctia bieu thic A = sin (x — —).

. 2sin® x — 3 cos’
Bai 2: Cho tanx = —2. Tinh gié tri ctia bieu thiic B =

sin? z + sin x cos x

; in 2z — 2si
Bai 3: Riit gon biéu thite: € = ——— ="

sin2x + 2sinx

BB Phan II: Trong tam kién thiic nén ting 11 3
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, 1 i 1 —si
Bai 8: Rut gon bieu thic: G = + s%nx — s?n:v 1 .
1 —sinx 1+sinzx 2

Bai 9: Chiing minh ring biéu thitc sau khong phu thuoc vao :
H = 2(sin® z + cos® x) — 3(sin* z + cos* 7).

DAP AN TRAC NGHIEM

|[1.B[2.B[3.A|4.A[5.A|6.B|7.C|

B Phan II: Trong tam kién thic nén ting 11 4
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i= DANG 2. NGHIEM CUA PHUGONG TRINH LUQNG
GIAC CO BAN

@ Hé théng cong thitc nghiém

Ky hieu O dai dién cho gia tri goc (don vi radian hogic do) tim dugc tryc tiép tit may
tinh cam tay khi bam céc phim chitc ning giai ngugc goc tuong ting (SHIFT SIN, SHIFT
COS, SHIFT TAN).

) r =0+ k27 ] , )
o sinz =m <= (k€ Z) véi O théa man sin[J = m.
r=m—0U+ k27

o cost=m < x==20+k2r (k€Z) v6i0 thoéa man cosd = m.
o tanz =m <= x=0+kr (k€Z) v6i théa man tand = m.

e cotr =m <= x=0+kr (k€Z) v6i0thdéa man cottd=m.

e Cac trudng hgp dic biét tai diém ngon dudng tron:
siney =0 < x=kr cosx:0<:>x:g—|—k7r
sinx=1<=>x=%+k27r cosr =1 < x=k2m
sinx:—1<:>m:—g+k;27r cosr=—1 <= rz=nm+k2r7

P’ Vi du 5. Dang phuong trinh cd ban sinz = a,cos = a

Giai phuong trinh sin <2x — g) V3

P Vi du 6. Dang phuong trinh dac biét va mau géc do

Giai phuong trinh cos (3z + 15°) = 0.

BB Phan II: Trong tam kién thiic nén ting 11 5
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\g P - e < .
P Vidu 7. Dang hoan doi ham sina = cosb, tana = cot b

Giai phuong trinh sin 2z = cos (a: — %)

P Vi du 8. Dang nang cao - Dit nhan ti chung

Giai phuong trinh sin2z + 2cosz —sinx — 1 = 0.

P Vi du 9. Dang nang cao - Bién d6i bac hai

Giai phuong trinh 2sin? 2z — 3sinz + 1 = 0.

BB Phan II: Trong tam kién thiic nén ting 11 6
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S, LUYEN TAP TAI LGP

[’ Luyén tap: Phuong trinh lugng giac

I. PHAN TRAC NGHIEM

1
Cau 1: Nghiém cua phuong trinh cosz = —3 la

2
Al x=:i:%+k27r. B. a:z:i:%—i—k:%r.

C. x:j:%+k27r. D. x:j:%r—i—kQW.

Cau 2: Tap nghiém cta phuong trinh tanz = /3 la

A. {ngw}. B. {%—i—lm}. C. {gwm}. D. {%4—/{52#}.

1
Cau 3: Phuong trinh sin <2a: — g) =—3 ¢6 bao nhiéu nghiem thuoc khoéng (0;7)?

AL B. 2. C. 3. D. 4.

Cau 4: Nghiém ctua phuong trinh sin 2x = sinx 1a

T k27

A. zzk?r;x:§+7. B. $:k7r;x:%+k27r.
7 T k2w

. x=k2mxr=— 2. D zx=kmjze=—-—4+—.

C. r=K2mx 3+/€7T x=km;x 3 3

Cau 5: Tim s6 nghiem ctia phuong trinh cos® x = 1 trén doan [0; 27].

A 2. B. 3. C. 4. D. 5.

Cau 6: Phuong trinh tanx - cot x = 1 ¢6 tap xac dinh la
k
A. R\ {kr}. B. R\{g—i—kn}. C. R\{g}. D. R.

Cau 7: Tong tat ca cac nghiém clia phuong trinh cosx = 0 trén doan [0; 27| bing

A . B. 27 C. 37” D. 3m.

Cau 8: Phuong trinh v/3tanz — 3 = 0 ¢6 nghiem 1a

A.x:gwm. B.x:%—i—lm. C.x=g+k27r. D.x:%—i—lm.

Cau 9: Nghiém cta phuong trinh cos (a: + %) =sinz la

T T T  kr T
A x=— ) L= ) ==+ —. L= = .
T 8+/~c7r B. z 4—|—k7r C. z 8+2 D. z 2+k277

BB Phan II: Trong tam kién thiic nén ting 11 7
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Cau 10: Phuong trinh 2sin®?z — sinz — 1 = 0 ¢6 ho nghieém 1a
A = g + k21 x = —%—i—kﬂﬁ.

— 7
B. x:g+k2ﬂ;x:%+k‘2w;m:§+k2w.
C. x:kﬂ;ng—}—kﬂw.
D

. x:g+k27r.

Cau 11: [Trich dé DGNL 2025 - dgt 1] Phuong trinh sin2z = cosx ¢6 bao nhiéu
nghiem thuoc [0; 27]?

A 4. B. 2. C. 6. D. 3.

Cau 12: [Trich dé DGNL 2025 - dgt 2] S6 nghiém ctia phutong trinh sinz - cos z - (1 +
tanx)(1 4 cot ) = 1 thuoc [0;27] 1a

A 4. B. 3. C. L D. 0.

II. PHAN TU LUAN

) x
Bai 3: Tim tat ca cac nghiém ctia phuong trinh tan (— + z) = —1 trén khoang (—m; 7).

BB Phan II: Trong tam kién thiic nén ting 11 8
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Bai 6: Giai phuong trinh bing cach dit an phu: 2cos?s — 5cosx + 2 = 0.

p 1
Bai 7: Tim s6 nghiem thuoc doan [0; 27] ctia phuong trinh: sin® z — cos® r = 3

1
Bai 9: Tim nghiém nguyén (don vi d) ctia phuong trinh cos(2z—10°) = 3 thudc khoang
(0°;180°).

DAP AN TRAC NGHIEM

1.B|2.C
7.B |8 A

©ofw

> W
[y
=)
s
[t
_'—‘.
>
[y
[\V]
)
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= DANG 3. CAC BAI TOAN THUC TE LUGNG GIAC

A" Vi du 10. Ung dung chuyén dong vong quay

Mot cabin ciia vong quay Ferris c¢6 ban kinh 40 m quay déu quanh truc. Tam clia vong
quay cach mat dat 45 m. Chiéu cao h(t) (mét) ctia cabin tinh theo thoi gian ¢ (giay) tinh

tl vi tri thap nhat duge cho béi cong thiic h(t) = 45 — 40 cos (;T—Ot) Hoi trong mot vong

quay dau tién, tai thoi diém nao cabin & do cao 65 m?

A" Vi du 11. Ung dung mo hinh héa khi hau

Nhiét do trung binh ngay T (°C) tai mot thanh phé duge mo phong theo cong thiic
T = 25+ 6sin <%(t - 4)), v6i ¢ 1a s6 thang trong nam (1 < ¢ < 12). Thang nao trong
nam thanh phé c¢6 nhiét do trung binh 1 28°C?

A" Vi du 12. Ung dung dao dong ctia muc nudc bén tau

Do sau d(t) (mét) ctia myc nudc § mot cang bien dude tinh theo thoi gian ¢ (gid) trong
mt N Lo 2
mot ngay bdi cong thic d(t) = 10+ 6 cos (E) . Mot con tau can muyc nude sau toi thieu

13m dé cap cang an toan. Tim céc thai diém trong ngay (tit 0 gic dén 24 git) tau c6 thé
vao cang.

BB Phan II: Trong tam kién thiic nén ting 11 10
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P Vi du 13. ﬁng dung dong dién xoay chiéu

Cudng do dong dién chay qua mot mach dién c6 biéu thiic i(t) = 4 cos (1007rt — %) (A),
v6i t tinh bang giay. Xac dinh thoi diém dau tién ké tit ¢ = 0 dong dién triet tieu (i = 0).

S, LUYEN TAP TAI LGP

[ Luyén tap: Bai tap rén luyén tai 16p - U’ng dung thuc té

I. PHAN TRAC NGHIEM

Cau 1: Chiéu cao ctia myc nude thity triéu (mét) tai mot bén tau sau ¢ gio tinh ti nita
dém dugc cho béi cong thic h(t) = 3 cos (%t) + 6. Muc nuéc cao nhat dat gia
tri 1la bao nhiéu?

A. 3m. B. 6 m. C. 9 m. D. 12 m.

Cau 2: Mot chat diém chuyén dong doc theo truc Oz theo phuong trinh li do x =
5 cos (27rt - g) (z tinh bang cm, t tinh bing giay). Thoi diém dau tien vat di
qua vi trf can bang (z = 0) la

1 )

~ s B. 2 .
12 ° 12 ° ¢

S. D.

D~
il

Cau 3: Huyét ap ctia mot ngudi bién thien theo thoi gian duge cho béi cong thiic p(t) =
100 + 20sin(1607t) (mmHg), v6i ¢ tinh bang phat. Chu ky dap ctia tim nguoi
nay bang bao nhiéu phan ctia giay?

A. 0,75 s. B. 1s. C. 0,6 s. D. 1.2s.

Cau 4: Cuong do dong dién xoay chicu tuan theo quy luat i(t) = 2cos (1007rt + %)

(A). Trong giay dau tien (0 < ¢ < 1), dong dién dat gid tri bang 0 bao nhiéu
lan?

A. 50 lan. B. 100 lan. C. 200 lan. D. 25 lan.

Cau 5: Mot am thanh tao ra ap suat khong khi bién thien P(¢) = 0,8sin(4407t) (Pa).
S6 lan ap suat dat gia tri cuc dai trong méi giay 1a

A. 220 lan. B. 440 lan. C. 880 lan. D. 110 lan.

BB Phan II: Trong tam kién thiic nén ting 11 11
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Bai 1:

II. PHAN TU LUAN

Mot chiéc dong ho c6 kim phiat dai 10 ecm. Truc kim dat & goc toa do O. Viét
cong thitc tung do y(¢) cia dau mut kim phit theo thoi gian ¢ (phuat) néu moc
t = 0 bat dau lac ding 12 gio trua.

: Mot con lic dao dong thang ding véi phuong trinh li do y = 4 cos (wt — g)

(cm). Xac dinh cdc thoi diém vat & vi trf cao nhat (y = 4 cm) trong 5 giay dau
tien.

: Cuong do anh sang mit troi R tai mot vung dat duge tinh bang cong thiic

t—6 .
R = 400 + 120 cos <¥> (W/m?) v6i ¢ 1a s6 gio tinh tt ntta déem. Tim

khodng thai gian trong ngay (0 < ¢ < 24) ma cudng do anh sang 16n hon hoac
bang 460W/m?.

: Ap suét khong khi P (mmHg) tai mot tram khi tuong bién thien theo ngay duge

27(d — 30)
365
nam. Hay tinh xem ap suat dat gia tri thap nhat vao ngay thit may ciia nam?

biéu dién bdi P(d) = 760 + 15 cos ( ) v6i d 1 ngay thit may trong

: Mot soi day dai tao ra séng hinh sin lan truyén doc sgi day. Phuong trinh séng

tai diem dau day 1a u = 3sin(4nt) (cm). Mot diém cach dau day mot khoang co
phuong trinh 1a uy; = 3sin (47rt — g) Tim thoi diém dau tien diém M dat 1i do

cue dai.

DAP AN TRAC NGHIEM

1.C|[2.B[3.A[4.B |5 A]

BB Phan II: Trong tam kién thiic nén ting 11
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A BAI TAP VE NHA TU LUYEN
I. PHAN TRAC NGHIEM

1 2
Cau 1: Cho sinx = 3" Tinh gié tri ctia bieu thitc P = cos 2.

AL B L o 2 D. .
9 9 3 9
- ! 1 .
Cau 2: Tap xac dinh ciia ham s6 y = —— 1a
sinx — cosx
A. R\ {kr}. B. R\{%+lm}.
C. R\{%Jrk%}. D. R\{gwm}.

Cau 3: Gia tri 16n nhat ctia ham s6 y = 3sin 2z — 4 bang

Al —1. B. —7. C. 3. D. 7.

Cau 4: Bién ddi biéu thic P = sinz + v/3cosz vé dang tich ta dugc:

A. 2sin<x+g). B. 28in<x—|—%).
C. 2cos<x—z>. D. 28in<x—z>.
3 6
Cau 5: Cho tanx = 2. Tinh gia tri biéu thitc A = sin® x + 2sinz cos z.
A S B O C 2. D. L.
5 5 5

Cau 6: S6 nghiém ctia phuong trinh sin (;1: + Z) =1 thuoc doan [0; 37 1a
A. 1. B. 2. C. 3. D. 0.

Cau 7: Nghiém cua phuong trinh cos 2z = cosz la

k2
A. x = k27, B. x:Tﬁ.
k2

C. x:kQWhoécx:Tw. D. z = k.

Cau 8: Phuong trinh nao sau day vo nghiém?
) 2

A. smx:—g. B. cosz =m.

C. tanz = 100. D. cotxz = —0,1
Cau 9: Nghiém cua phuong trinh tan (x — %) =01a

s T
A.m:g—i—knr. B.:zc:g—l—kQW. C. x=km. D.x:—g—f—lmr

BB Phan II: Trong tam kién thiic nén ting 11 13
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Cau 10: Tap nghiém ctia phuong trinh sinz - (cosz +2) =0 la
A. {k2r). B. {kr}. C. o. D. {g + lm}.
Cau 11: Banh xe nuéc duong kinh 4 m quay déu. Khodng cach h (m) tir chiéec gau dén

méit nuée tuan theo h(t) = 24 2sin (;T—Ot) (t tinh bang giay). Gau dat vi tri cao

nhat lan dau tién tai:

A. b5s. B. 10 s. C. 2,5s. D. 15 s.
Cau 12: Phuong trinh 2cos? z — 1 = 0 ¢6 bao nhiéu nghiém trén ntia khoang [0; 7)?
A 1. B. 2. C. 3. D. 4.
Cau 13: Rut gon biéu thitc S = sin(x + y) cosy — cos(z + y) siny dude két qua 1a
A. sin(z + 2y). B. cosuz. C. sinz. D. cos(z + 2y).
Cau 14: Biéu thiic cos* 2 — sin 2 bing biéu thiic nao sau day?
A. cos2z. B. sin2z. C. 1 D. cos4x.
Cau 15: Nghiém ctia phuong trinh cotz = /3 1a

A.x:g—i—kw. B.x:%—i—lm. C.x:—%+k7r. D.x:g—i—kﬂﬁ.

II. PHAN TU LUAN

5
Bai 1: Cho sina = 3 va g < a < 7. Tinh gia tri ctia cos 2a va tan (a — z).

<. ., .2 . .. sin x + sin 3z + sin bx
Bai 2: Rat gon biéu thic luong giac: A =

coS T + cos 3z + cos bx

1 + sin 2« cosx +sinx

Bai 3: Chitng minh dang thitc lugng giac: = —.
cos 2x cosx —sinx

1
Bai 4: Giai phuong trinh lugng giac sau: cos <3£L‘ — Z) =3

Bai 5: Giai phuong trinh lugng gidc sau: tan (2x + 15°) = /3.

Bai 6: Tim tong tat cd cac nghiem thudc khodng (0;27) clia phuong trinh: sin2z =
V3

5

—_

Bai 7: Giai phuong trinh chita tich: sinx - cosz - cos 2z = —.

oo

Bai 8: Giai phuong trinh tich bang phuong phap dit nhan ti chung: sin 22 —2 cos? x = 0.

Bai 9: Giai phuong trinh bac hai déi véi mot ham s6 lugng giac: 2sin® x —3sinz 41 = 0.

BB Phan II: Trong tam kién thiic nén ting 11 14
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Bai 10: Tim s6 nghiém thugc doan [—m; 7| clia phuong trinh: cos 3z = cos z.

Bai 11: Giai phuong trinh bién déi ham bo sung: sin <2x - %) = Cos .

t
Bai 12: Muc nuéc h (m) 6 kénh dao duge mo ta béi h = 2,5 + 1,5 cos (% + g) véi t 1a

s6 gio tinh tit 6 gio sang. Xac dinh thoi diém tit 0 dén 24 gis muc nude dat dinh
cao nhat.

Bai 13: Mot con lic don chuyén dong tao goc lach a(t) = 0,08 cos(27t) (rad) theo thai
gian ¢ (giay). Tim thoi diém thit 3 con ldc di qua vi tri can bang tinh tit lic ¢t = 0.

Bai 14: Mot piston di chuyén trong xi lanh c6 khoang céch tinh bing z = 12 +
8 sin (107rt - g) (cm). Xac dinh thoi diém khodng cach z dat gia tri nhdé nhat

lan dau tien ké ti t = 0.

Bai 15: Cho tam gidc ABC vuong tai A. Chiing minh dang thic lugng gidc hinh hoc:

10.B|11. A |12.B|13.C | 14. A | 15. B

BB Phan II: Trong tam kién thiic nén ting 11 15
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CHUYEN DE 2: CAP SO CONG — CAP SO NHAN

= DANG 1. CAP SO CONG

@ T6m tit kién thitc cbt 16i vé Cap sbd cong

e Dinh nghia: v, =u, +d (d: cong sai, n € N*).
e S6 hang tong quat: u, =u; + (n —1)d (n >2).

Ug—1 + Ugy1
2
n(u; +u,)  nf2u; + (n — 1)d]

e Tong n sd hang dau tién: S, = 5 =

e Tinh chat s6 hang trung binh: u; = (k>2).

A Vi du 1. Tim cong sai va s hang téng quat

Cho cap s6 cong (u,) ¢6 s6 hang dau u; = 3 va s6 hang thit hai uy = 7.
a) Tim cong sai d va viét cong thiic sé hang tong quat u,,.
b) S6 2027 c6 phai 1a mot s6 hang clia cap s6 cong nay khong?

P Vi du 2. Chitng minh méot day sé 1a mot cap sé cong

Chitng minh rang day so6 (u,) v6i u,, = 5n — 2 14 mot cap s6 cong. Tim s6 hang dau u,
va cong sai d.
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P Vi du 3. Giai hé phuong trinh tim cac yéu t6 cap sb6 cong

Cho cap s6 cong (u,,) thoa man hé phuong trinh:
Ul + Us = 16
Us + Ug = 22
Tim s6 hang dau u; va cong sai d. Tt d6 tinh tong ctia 30 s6 hang dau tien Ss.

P2 Vi du 4. Tim tham sé dé ba sb lap thanh cap sb cong

Tim céc gia tri ctia tham s6 = dé ba s6 « — 1;  + 3; 32 + 1 theo thit tu d6 lap thanh mot
cap s6 cong.

S, LUYEN TAP TAI LGP

[ Luyén tap: Cap sb cong

I. PHAN TRAC NGHIEM
Cau 1: Cho cap s6 cong (u,) c6 u; = —3 va uy = 2. Cong sai d clia cap s6 cong bang
A d=5. B. d=-5. C. d=1. D. d=-1.
Cau 2: Cho cap s6 cong (u,) c6 u; = 2 va cong sai d = —3. S6 hang thit 10 ctia cap s6
cong bang
A. ug = —28. B. ug = —25. C. uyg = —27. D. w9 = —30.

Cau 3: Trong cac day s6 sau day, day so6 nao khong phai 1a cap s6 cong?

A u, =2n+ 1. B. u,=4-3n.
n—+2

C. u, =n%—1. D. u, = .
Up =M U 3

Cau 4: Cho cap sb cong (u,,) ¢6 u; = 5 va cong sai d = 4. Biét u,, = 81, gia tri cia n 1a

A. n=19. B. n =20. C. n=21 D. n=22.
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& Tai lieu on thi DGNL 2027

& GV: Tran Ba Sao

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Bai 1:

Cho ba s6 —2; x; 10 theo thit tu lap thanh mot cap s6 cong. Gia tri clia o bang
Tz = 4. B. x =6. C. z=28. D. x=3.

Cho cap sb cong (u,) c6 s6 hang tong quat u, = 3n — 1. Tinh tong 20 s6 hang
déu tién 520.

. SQ() = 610 B SQO = 590 C SQO = 1220 D SQO = 620

Cho cap s6 cong (u,) c6 ug = 10 va uy = 19. S6 hang dau u; bang

.Ulzl. B. u1:2. C. U1:3. D. u1:4.

Mot cap s6 cong (u,) c¢6 tong 10 s6 hang dau tien Syy = 145 va cong sai d = 3.
S6 hang dau u; la

Uy = 1. B. Uy = 2. C. Uy = —1. D. Uy = 0.

Tim tat ca cac gia tri cia m dé ba s6 m; 2m — 1; 4m + 2 lap thanh mot cap sb
cong.

. m = —4. B. m=4. C. m=2. D. m=0.

Cho cap sb cong (u,,) ¢6 us + us = 14 va us + ug = 18. Cong sai d ctia day s6
nay bang

d=2. B. d=3. C. d=1. D. d=4.
[Trich dé DGNL 2025 - dot 2] Cho cap s6 cong c6 so6 hang dau bang 1 va

tong 100 s6 hang dau tien bang 24850.
Cong sai ctia cap so cong trén 13

7. B. 10. C. 15. D. 5.
., iAo~ ? 1
(St dung dw liéu cau 11) Tinh tong S = + + -+ .
U U2 UgU3 U49U50
4 49 9
—. B. —. L= D. 123.
23 246 ¢ 246 s

II. PHAN TU LUAN

Cho day s6 (u,) c6 s6 hang tong quat u, = 7 — 4n. Chiing minh day s 1a mot
cap sb6 cong va tim tong 50 s6 hang dau tien.

BB Phan II: Trong tam kién thiic nén ting 11
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U1+U7:22

Bai 2: Tim s6 hang dau u; va cong sai d cia cap s6 cong (u,,) biét:
Ug + Uy = 22

Bai 3: Gitta hai s6 4 va 28, hay chen them 5 s6 nita dé duge mot cap sb cong co 7 sb
hang. Xac dinh 5 s6 can chen do.

va d.

Bai 5: Cho cap sb cong c6 us + ug + u13 + uy = 80. Hay tinh tong ciia 21 s6 hang dau
tien Sy clia cap sO cong nay.

Bai 6: Cho mot cap s6 cong (u,,) c6 S5 = 30 va Sjp = 110. Hay tim s6 hang dau u; va
cong sai d.

B Phan II: Trong tam kién thic nén ting 11
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Bai 7: Tim gié tri cia tham s6 m dé phuong trinh bac ba sau day: 2® —62%+11z+m = 0
c6 ba nghiém phan biét lap thanh mot cap s cong.

Bai 9: Cho mot tam gidc vuong c6 do dai ba canh l1ap thanh mot cap sé cong. Chiing
minh rang ti s6 gitta cic canh clia tam gidc vuong nay tuan theo ti lé vang thic
téla3:4:5.

Bai 10: Cho day s6 (u,) xac dinh bdi u; = 1 va u, 11 = u, + n. Khéo st xem day s6 nay
c6 phai 1a mot cap s6 cong hay khong? Tim s6 hang tong quat u,,.

DAP AN TRAC NGHIEM

[1.A[2.B[3.C[4.B[5.A[6.A[7.A[8.A[9.A]10.A|11.D[12. B
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= DANG 2. CAP SO NHAN

@ T6m tit kién thic cdt 16i ve Cap s6 nhan

e Dinh nghia: v, 1 =u,-q (g: cong boi, n € N*),
e S6 hang tong quat: u, = u; - ¢ ' (n > 2).
e Tinh chat s6 hang trung binh: up =upq - uprr (K >2).

ui (1 —¢q")

e Tong n sd hang dau tién: S, = ]

(¢#1).

P Vi du 5. Xac dinh cic yéu t6 co ban ctia cip s6 nhan

Cho cap s6 nhan (u,,) ¢6 sd hang dau u; = 2 va s6 hang thit hai uy = —6.
a) Tim cong boi ¢ va s6 hang tong quét ctia cap s6 nhan.
b) S6 —486 1a s6 hang thit may ctia day s6?

P Vi du 6. Giai hé phuong trinh bing phuwong phap lap ti s

Cho cap s6 nhan (u,,) théa man hé phuong trinh sau:

U1+U2+U3:135
U4+U5+U6:40

X4c dinh s6 hang dau u; va cong boi ¢ clia cap s6 nhan nay.

P Vi du 7. Tim tham sé dé day sb lap thanh cip sb nhan

Tim cac gia tri thuc ctia tham s6  dé ba s6 x;  +2; 4+ 6 theo thit tu dé lap thanh mot
cap s6 nhan.
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S, LUYEN TAP TAI LGP

[#' Luyén tap: Cap sd nhan

I. PHAN TRAC NGHIEM

Cau 1: Cho cap s6 nhan (u,) ¢6 u; = 3 va uy = 6. Cong boi g ciia cap s6 nhan bang

1
A ¢g=2. B. ¢=3. C.qzé. D. ¢ = -2
Cau 2: Cho cap s6 nhan (u,) c¢6 u; = —2 va cong boi ¢ = —3. S6 hang thit 4 clia cap
s6 nhan bang
Cau 3: Day s6 ndo sau day 1a mot cap s6 nhan?
A u, =2n. B. u, =3".
C. u, =nd. D. u,=3n+1.

Cau 4: Cho cap s6 nhan (u,) c6 s6 hang tong quat u, = 4 - 571, S6 hang dau u; va
cong boi ¢ bang

A up=4,9q=05. B. u; =20,qg=05.
C. uy=4,q=1. D. uy=1,qg=4.
Cau 5: Cho ba s6 duong 2; y; 32 theo thit tu lap thanh mot cap s6 nhan. Gia tri cia y
la

A y=8. B. y=17. C. y=16. D. y =64.

Cau 6: Cho cap s6 nhan (u,) ¢6 u; = 1 va ¢ = 2. Tong 10 s6 hang dau tién Sjo bing

Cau 7: Cho cap s6 nhan (u,,) c6 u; = 3 va uy = 24. Cong bai ¢ clia cap s6 nhan bang

A g=2. B. ¢= -2 C. ¢g=8. D. ¢=4.

Cau 8: Biét rang cap s6 nhan (u,) ¢6 u; = —1 va cong boi g =
14 s6 hang thtt may?

A. Thu 6. B. Thu 7. C. Thu 5. D. Thu 8.

Cau 9: Tim cac gia tri ctia « biét  — 1; x;  + 2 theo thit tir lap thanh mot cap s6 nhan.

A =2 B. z=-2. C. z=1. D. z=-1.

. 2 — ugy = 54
Cau 10: Cho cap so6 nhan (u,) théa man hé thic a2 . Cong boi ¢ cia day
Uy — U3 = 108

s6 bang
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A ¢g=2. B. ¢=3. C. g=4. D. ¢g=1.

Cau 11: [Trich dé@ DGNL 2025 - dgt 1] Cho u, la mot cap s6 nhan vo han véi cong
- L 1 Us — Up 5

boi duong c6 ug = —, = —.
8 us—u; 4

Tong u; va cong bo clia cap s6 nhan trén la

9 3 7 3
A.. 5. B. 5. C. Z. D. Z.

II. PHAN TU LUAN

Bai 1: Cho day s6 (u,) v6i u, = 5-2". Chiing minh day s6 nay 14 cap s6 nhan. Xé4c dinh
uy,q va tong Ss.

Bai 2: Tim s6 hang dau u; va cong boi ¢ clia cap s6 nhan (u,) biét hé phuong trinh:

ul—U3+U5:65
U1+U7:325

Bai 3: Gitta hai s6 3 va 48, hay chén them 3 s6 thuc duong nita dé tao thanh mot cap
s6 nhan gom 5 s6 hang.

Bai 4: Tim ba s6 lap thanh mot cap s6 nhan tiang dan, biét ring tong clia ba s6 bing
26 va tich ctia ching bang 216.

Bai 5: Mot tam gidc c6 ba goc theo thit tu lap thanh mot cap s6 nhan c6 cong boi ¢ = 2.
Tim s6 do ba goc clia tam gidc dé theo don vi do.

BB Phan II: Trong tam kién thiic nén ting 11 23



1€ Tui liéu on thi DGNL 2027 & GV: Tran Ba Sao

Bai 6: Tim gia tri thuc clia tham s6 m dé phuong trinh sau day: 2% — 722 +ma —8 =0
c6 ba nghiém phan biét lap thanh mot cap s6 nhan.

Bai 8: Cho ba s6 a,b, c lap thanh mot cap s6 cong cé tong bang 15. Néu ta cong thém
lan luot 1, 4, 19 vao ba s6 d6 thi duge mot cap s6 nhan méi. Tim ba sb a, b, c.

DAP AN TRAC NGHIEM:

[1.A[2.A[3.B[4.A[5.A]6.A[7.A|8B[9.A[10. A|11. A]

BB Phan II: Trong tam kién thiic nén ting 11
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= DANG 3. CAP SO NHAN LUI VO HAN

K3

Céng thitc: Cho cap sé nhan (u,) c6 cong boi ¢ théa man |g| < 1. Tong vo han cac s6
hang ctia cap s6 nhan dé duge tinh bang:

> U
S=u1+u2+U3+---+un+---:Zul-q”‘l=1_1q
n=1

2 Vidu 9. Ung dung bién déi sé thap phan vo han tuan hoan

Biéu dién s6 thap phan vo6 han tuan hoan A = 0,212121... duéi dang mot phan sb toi
gidn % Tinh gid tri bidu thic P = a + b.

2 Vi du 10.

Cho mot hinh vuoéng canh a. Ngudi ta ndi trung diém céc canh dé tao thanh mot hinh
vuong thit hai, tiép tuc nhu thé véi hinh vuong thi ba, thi tu... Tinh téng dién tich cia
tat ca cac hinh vuong duge tao thanh.
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S, LUYEN TAP TAI LGP

[#' Luyén tap: CSN luai v6 han

I. PHAN TRAC NGHIEM

2 Z 2z P N 1
Cau 1: Tong ciia mot cap s6 nhan lui vo han ¢6 s6 hang dau u; = —2 va cong boi ¢ = 5
bang
4
A S=—-4. B. §=-1. C. §=-2. D. S:_§'

L . . |
Cau 2: Cho cap s6 nhan lui vo han (u,) c¢6 tong S = 12 va cong boi g = ~3 SO hang

dau u; bang

. 1 1 1 s
Cau 3: Gia tri ctia tong vo han S =1+ — + - + + ... bang bao nhiéu?

V2 2 22
A S=2+2. B. §=2-2. C. S=vV2+1. D. S =2V2.

Cau 4: S6 thap phan vo han tuan hoan B = 1,3333... dudc bic¢u dién bing phan s6
toi gidn nao sau day?
4 1 1
A D B. 2 e 2 D. 2.
3 10 9 2
Cau 5: Tim tét ca céc gia tri ciia cong boi ¢ dé mot cap s6 nhan lui vo han c6 sb6 hang
dau u; = 3 dat tong S 16n hon 6.

1 1
A —<g<l1. B. 0<g<—.
5 =1 =75
1
C. —1<q<§. D. -1<g< 1.

Cau 6: [Trich dé DGNL 2025 - dgt 1] Cho u,, 13 mot cip s6 nhan vo han véi cong
e B 1 U — Uy 5

boi duong c6 ug = —, =-.
8 us — Uy 4

Dat day s6 v, thod man v, = (u,)?. Tong cac s6 hang ciia day sb v, bing

32
2 B &
2 3

C. 32. D. 64.

_ 1
Un1 = §un

Cau 7: [Trich dé DGNL 2026 - dgt 2] Cho day s6 (u,,) biét: {
Tih S = uj + s+ s+ 4ty + -+ 12
A. S =3039. B. S =4052. C. § = 2026. D. S =1013.
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II. PHAN TU LUAN

3n—=2"

Bai 1: Cho day s6 (u,) c6 s6 hang tong quat u, = . Tinh téng vo han S =

Bai 2: Tim cong boi ¢ ctia mot cap s6 nhan i vo han, biét rang s6 hang dau u; = 4 va

2 Z bY o N 7 X 2 2 2 ~ A 7
tong cia 3 so hang dau tién bang 3 lan tong vo han cua ca day so do.

Bai 3: Giai phuong trinh chia téng vo han sau trén tap so thuyc:
l+ao+a?+2°+---=3 (véi |z < 1)

Bai 4: Cho mot tam gidc déu A; B;C; ¢6 canh bang a. Ngudi ta vé tam giac déu A, ByCh
thit hai bang cach néi trung diém cac canh ctia tam giac thit nhat. Qua trinh nay
liap lai vo han lan. Tinh tong chu vi clia tat ca cac tam gidc déu duge tao thanh.

\/2- 2.2 ...

2 2 L2 . 1 1
Bai 6: Tinh tong vo han sau (Tong ctia cap s6 nhan i vo han): S =1+ 3 + 9 +-
= +
g T

DAP AN TRAC NGHIEM:

|1.A[2.A[3.A[4.A|5.A|6.B|7.B]

BB Phan II: Trong tam kién thiic nén ting 11 27



1€ Tui liéu on thi DGNL 2027 & GV: Tran Ba Sao

= DANG 4. BAI TOAN THUC TE UNG DUNG

@ Phuong phap giai bai toan thuc té PGNL

e Mo hinh CSC: Ap dung khi dai lugng tang hoic giam mot luong ¢d dinh sau mbi
chu ky thoi gian (vi du: tién cong tang them déu din, s6 ghé rap hat, thap gach).

e M6 hinh CSN: Ap dung khi dai luong ting hodc gidm theo mot ti 16 phan tram
c6 dinh, phan 14 cd hoc hodc nhan dai sinh hoc (vi du: 14i kép ngan hang, phan bao,
khau hao méy moc).

A Vi du 11. ffng dung Cap sb cong

Mot co s§ san xuat gach my thuat sip xép gach thanh mot khdi thap tam giac ding.
Hang trén cing (hang thit nhat) c6 1 vien gach, hang thtt hai ¢6 3 vién gach, hang thi
ba c6 5 vién gach, v cit thé tiép tuc, mdi hang dudi déu nhiéu hon hang ngay trén né
2 vien gach. Hoi néu khéi thap cé tat ca 40 hang gach thi can tong cong bao nhiéu vien
gach dé hoan thanh?

A Vi du 12. ffng dung Cap s6 nhan

Mot doanh nghiép mua mot chiéc xe tai chuyén dung véi gia ban dau 1a 1 ty dong. Sau
modi nam st dung, gia tri chiéc xe tai bi khau hao giam di 10% so véi nam lien trude do.
Hoéi sau 6 nam st dung, gid tri con lai cia chiéc xe tai 1a bao nhiéu trieu dong? (Lam
tron két qua dén chit s6 thap phan thit nhat).
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S, LUYEN TAP TAI LGP

[#' Luyén tap: Toan thuc té

I. PHAN TRAC NGHIEM

Cau 1: Mot ngudi tho dao giéng nhan giao keéo: mét dao dau tien gia 100 nghin dong,
ké tit mét thit hai gid mdi mét sau ting them 20 nghin dong so véi mét ngay
trude d6. Héi néu dao céi giéng sau 15 mét thi tong chi phi tra cho ngudi thg 13

bao nhiéu?
A. 3.6 trieu dong. B. 3,45 trieu dong.
C. 3,75 trieu dong. D. 4,2 trieu dong.

Cau 2: Dan s6 ctia mot thanh phd nam 2026 1a khodng 2 triéu nguoi. Gia st ti 1¢ tang
dan s6 hang nam khong ddi va giit mitc 1,5% mot nam. Dit bao dan sé thanh
phd nay vao nam 2036 (sau 10 nam) gan nhat véi gia tri nao sau day?

>

2,32 triéu nguoi. B. 2,15 triéu nguoi.
C. 2,24 triéu ngudi. D. 2,41 triéu ngudsi.

Cau 3: Mot to gidy mong c6 do day 0,1 mm. Ngudi ta gap doi to gidy lai lien tiép. Hoi
sau 10 lan gap doi lien tiép nhu vay, do day clia xap gidy thu dugc bing bao
nhiéu?

A. 102,4 mm. B. 10,24 mm. C. 51,2 mm. D. 204,8 mm.

Cau 4: Mot sinh vién vita tot nghiép nhan viec véi mic luong khéi diém 1a 10 trieu
dong/thang. Hop dong quy dinh ci sau ding mot nam lam viée, miic luong
thang sé dugc tang them cb dinh 1a 1,2 triéu dong. Hoi vao nam lam viec thi 5,
luong hang théang ctia k¥ su nay la bao nhiéu?

=

14,8 trieu dong. B. 16,0 trieu dong.
C. 13,6 tricu dong. D. 15,2 trieu dong.

Cau 5: Mot ngudi di lam nhan luong véi mitc ban dau 1a 12 trieu dong/thang. Ké tir
nam thit hai, mic luong thang cia nguoi dé duge tang them 8% so v6i nam lien
truée do. Hoéi vao nam thi 4 di lam, luong thang ctia ngusi nay dat bao nhiéu?

>

15,116 trieu dong. B. 14,0 trieu dong.
C. 16,325 trieu dong. D. 14,895 trieu dong.

Cau 6: Mot bénh nhan dude tiem mot licu thude 100 mg vao mau. Ctt sau mdi gid, co
thé tu dao thai va lugng thube giam di 20% so véi gio trude dé. Luogng thude
con lai trong mau bénh nhan sau ding 5 gid 1a

A. 32,77 mg. B. 40,96 mg. C. 26,21 mg. D. 35,84 mg.

Cau 7: Dé gidm tiéng on, ngudi ta lap cac 16p kinh cach am diic biet. Cit qua mot 16p
kinh, cuong do am thanh sé bi gidm di 15% so v6i cuong do trude khi truyen
qua 16p kinh d6. Néu 1ip 4 16p kinh lién tiép thi am thanh gidm di bao nhiéu
phan tram so véi ban dau?
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A. 47,8%. B. 52,2%. C. 60,0%. D. 40,5%.

Cau 8: Mot quan thé virus cim biing phat, ban dau ghi nhan chi ¢6 50 ca nhiém. Biét
rang cit sau moi ngay, so luong ca nhiém tang lén gap doi. Hoi sau bao nhiéu
ngay thi s6 ca nhiém vugt qua 50.000 nguoi?

A. 10 ngay. B. 9 ngay. C. 11 ngay. D. 12 ngay.
Cau 9: Mot san van dong c6 hang ghé dau tien gom 30 ghé, cic hang sau mdi hang tang

them 4 ghé so véi hang trude. Tong s6 hang ghé 1a 20 hang. San van dong c6
stic chita t6i da bao nhiéu ngudi xem?

A. 1360 ngudi.  B. 1420 ngusi.  C. 1280 ngwsi.  D. 1500 ngudi.
Cau 10: Bac Ba gti tiét kiem s6 tien 200 triéu dong vao ngan hang theo hinh thic 1ii

kép véi 1ai suat 7,2% mot nam. Héi sau ding 3 nam gii va khong it tién, s6
tién 1ai bac Ba thu vé 1a bao nhiéu?

>

46,31 trieu dong. B. 43,20 triéu dong.
C. 45,15 trieu dong. D. 47,23 trieu dong.

Cau 11: [Trich dé DGNL 2026 - dgt 1]Mot qua béng roi xuéng dat theo thanh ngang
N . . .3
¢6 do cao 10m. Moi lan qua béng roi xuong cham dat sé nay lén do cao bang 1

dd cao trude do.

Sau 5 lan cham dat, do cao ctia qua béng 1a
A 1,78 B. 2.37. C. 3.72. D. 425,
Cau 12: (St dung dit liéu cau trén) Tong quang dudng qui béng di duge cho dén khi
dimng hin 13

A. 10. B. 40. C. 70. D. 80.

II. PHAN TU LUAN

Bai 1: Mot tho tht cong lam mot gian hoa bang cac thanh gd dan chéo xép hinh tam
giac ditng. Hang thap nhat dudi ciing can dung 50 thanh gd, hang ké trén can it
hon hang dudi 2 thanh gd. Ctt nhu thé len dén dinh cao nhat chi can 2 thanh gé.
Tinh tong s6 thanh gd ngudi thg phai chuan bi.

Bai 2: Mot ngusi tich liy dau tu bang cach dau mdi thang gt ¢6 dinh vao tai khoan
tiét kiem sb tién 5 trieu dong, 1ai suat on dinh dat 0,5% mot thang theo hinh

thic 1ai kép ki han mot thang. Héi sau tron ding 1 ndm (12 thang), ngusi do s6
hitu tong s6 tién ca gbc 1an lai 1a bao nhieu?
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Bai 3: Mot qua boéng cao su dic duge tha roi tu do tit do cao 15 m xudng san nha cing.
Sau mdi lan cham san, qua béng ndy nguge lén do cao bang 3 do cao ctia lan roi
ngay trudce dé. Gia st qua bong chuyen dong thang ding vuong géc san cho dén
khi dimg hin, tinh téng quang duong béng da di chuyén.

Bai 4: Mot cong ty dét may dit muc tiéu tang trudng san xuat lién tuc: san luong nam
sau phai tang them 10% so véi nam trude. Biét nam dau tién cong ty san xuét
duge 50.000 san pham. Hay tinh tdng s6 san pham cong ty dét duge sau chu ky
8 nam lién tiép.

Bai 5: Mot gidi dau cd vua qudc té t6 chiic theo thé thitc loai tric tiép mot tran (thua
cuoc bi loai ngay lap titc). Néu gidi dau c6 tong cong 128 ky thi tham gia thi
dau vong dau tién, hoi ban to chiic can diéu hanh tat ca bao nhiéu tran dau dé
tim ra nha vo dich?

Bai 6: Anh Nam mua trd gép mot bo may tinh cao cap tri gia 30 trieu dong véi lai
suat tra gop 1a 1% mot thang. Anh Nam théa thuan tra déu dian mdi thang mot
khoan tién c6 dinh gbc la 2,5 trieu dong trong vong 12 thang cong thém phan
tién 1ai tinh trén du ng thuc té ctia thang d6. Tinh tong s6 tién 1ai anh Nam phai
tra sau khi tat toan hop dong.

Bai 7: Trong phong thi nghiém sinh hoc, mot mau nudi cay vi khuan ban dau c6 1200
con. Nghién citu chi ra cit sau ding 3 gid, s6 luong vi khuan ting trudng nhan

BB Phan II: Trong tam kién thiic nén ting 11
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len gap 3 lan. Tinh tong s6 luong vi khuan c6 trong mau sau 24 gio nudi cay lien
tuc.

: Kim ty thap kinh ndi tiéng tai bao tang Louvre (Phap) dudce dung bing cac tam

kinh hinh thoi xép chong dang thap ding. Gia st hang dudi cling clia mit bén
can diing 35 tam kinh, cac hang phia trén tiép theo mdi hang déu gidm di ding
2 tam kinh so v6i hang duéi tric tiép cho dén dinh trén cting chi c¢6 1 tam kinh.
Ho6i mot mat bén cla kim ty thap kinh nay c6 bao nhiéu tam kinh?

: Mot dong vi phong xa y té ¢6 chu ky ban ra ¢6 dinh 14 8 ngay (cit sau 8 ngay

khoi lugng chat phong xa gidm di mot nita). Ban dau phong y hoc hat nhan tiép
nhan 200 g chat nay. Héi sau dung 40 ngay, khoi lugng chat phéng xa con lai
trong mau la bao nhiéu gam?

: Mot kién tric su thiét ké mot cau thang nghé thuat ndi tit tang trét len lau c6

téng cong 25 bac thang gb. Bac thang dudi cling rong nhat c6 chicu dai 1a 2,2 m.
Ké tit bac thtt hai tré di, mdi bac ké tiép dugc thiét ké ngin bét di dang 4 cm
(0,04 m) so v6i bac ngay dusi né nham tao do vat tham my. Tinh tong chidu dai
cac thanh gb can cit dé lap rap di 25 bac thang do.

DAP AN TRAC NGHIEM:

1. A | 2. A
7.A |8 A

©|w
> >
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A BAI TAP VE NHA TU LUYEN

Cau 1: Cho cap s6 cong (u,) biét u; = 4 va cong sai d = —2. Tong 15 s6 hang dau tien
bang

A, Si5 = —150. B. Si5 = —140. C. S5 =—-135. D. 515 = —165.

Cau 2: Cho cap s cong (u,) théa man uz + uyz = 40. Gia tri tong ctia hai s6 hang
Ug + U1g béng

A. 40. B. 20. C. 80. D. 30.
Cau 3: Cho cap s6 nhan (u,) ¢6 u; = —3 va cong boi ¢ = 2. Gi4 tri clia s6 hang ug 12

Cau 4: Cho cap s6 nhan (u,,) théa man u; = 2 va uz = 18. Cong boi ¢ ctia cap sd nhan
c6 thé nhan gia tri:

A g=43. B. ¢=3. C. ¢g=09. D. ¢ =49.

Cau 5: Mot ngudi gui tiét kiem ngan hang s6 tien 50 trieu dong véi 1ai suat kép 6, 5%
mot nam. Sau it nhat bao nhiéu nam ngudi d6 thu vé ca goc 1an 1ai 16n hon 80
trieu dong?

A. 8 nam. B. 7 nam. C. 9 nam. D. 6 nam.

Cau 6: Beo hoa dau dugc tha nuoi trén mat nude. Mot ngusi da tha mot lugng beo hoa
dau chiém 4% dien tich mat hd. Biét ring ct sau ding mot tuan beo phat trien
thanh 3 lan lugng da c6 va téc do phat trién ctia beo ¢ moi thai diém nhu nhau.
Sau 2 tuan lugng beo chiém bao nhiéu % dién tich mat ho?

A. 45%. B. 72%. C. 18%. D. 36%.

Cau 7: (St dung dit lieu cau trén) Sau bao nhiéu ngay beo sé phi kin mat ho?

24
A. 7 x logs 25. B. 37. C. x> D. 7 x log, 24.

B. PHAN TU LUAN
Uy + Ug = 19

. Tim s6 hang dau u,
Ug + ug = 30

Bai 1. Cho cap s6 cong (u,,) théa méan he thiic: {

cong sai d va tim s6 hang thit 100 ciia day so.

Bai 2. Cho ba s6 thuc duong lap thanh mot cap s6 nhan ting dan. Biét tong clia ba sd
nay 1a 35 va tich ctia ching la 1000. Hay xac dinh ba s6 do.

Bai 3. Mot co sé dét tham len thi cong xuat khau nhan don hang xép tham cuon dang
hinh tru tron chong lén nhau trong kho. Hang sat dat chita 24 cuon, hang trén it hon
hang dudi truc tiép 1 cuon. Ct nhu thé, hang trén ciing chia 5 cuon tham. Tinh tong sb
cudn tham len co s nay xép dugc trong khéi thap tham.

|[1.AJ2.A[3.A|4.A[5.A|6.D[7. A
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CHUYEN DE 3: GIGI HAN

= DANG 1. TINH GIOT HAN DAY SO

@ Trong tam ly thuyét va Phuong phap giai

Mic dinh quy uéc viét limw,, = L nghia la lim wu, = L.

n—-+0o00

1
e Gidgi han co ban: limﬁ =0 (k>0);lim¢g"=0 (gl <1);limC =C.

00 - ) <
e Dang — (Phan thic dai s6/mii): Ruat lay thita bac cao nhat ctia ti va mau ra
00
lam nhan t chung roi triét tieu. Meo nhanh: So sanh bac cta tit (P) va mau (Q):

— Bac P < Bac Q = lim = 0.
— Bac P = Bac Q = lim = T1i s6 hai hé s6 cao nhat.

— Bac P > Bac Q = lim = +o0.

e Dang co — co (Chita can thirc): St dung phuong phap nhan lién hgp:

JAi-B-AZB s ¥A_-B—___A-B
VA+B VA2 + BV/A + B?

P Vi du 1. Dang phan thiic chita lity thira da thic va mi

2n% —3n+ 1 _ 4.3n 5

Tim cac giéi han sau: a) L; = lim

P Vi du 2. Dang vo dinh chia cin thidc nhan lién hop
Tinh gi6i han day s6 sau: L = lim (\/n2 +4n+1— n)

B Phan II: Trong tam kién thiic nén ting 11
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S, LUYEN TAP TAI LGP

[’ Luyén tap: Gidi han day s6

I. PHAN TRAC NGHIEM

—4
Cau 1: Gia tri cua lim 5 bang
4
A. 3. B. —2. C. —3 D. 0.
2n? — .
Cau 2: Gidi han I = lim = sntd bang
n3 + 4n
A T=2. B. I =0. C.I:%. D. I = +o0.
3_ 9.2
Cau 3: Tim giéi han L = lim "o +2
1—2n3
1 1
A L=1. B. L=0. C. L=—-. D. L=-.
2 2
Van? +1 —
Cau 4: Gia tri ctia giéi han lim vemt . —n 1a
2n+3
1
A. 5 B. 1. C. 2 D. 0.
~ : 4" 45" 2 . .
Cau 5: Cho gi6i han I = lim 3 el 30 Chon khang dinh dung:
1 5
A T=2. B.I=§. C.Izé. D. I =5.

Cau 6: Tinh giéi han L = lim (vn? + 2n — n):
A L=2. B. L=1. C. L=0. D. L = +oc.

Cau 7: Gi4 tri cia K = lim (\/ 4n? +n — Qn) 1a

A, K=0. B.Kz}l. C.K:%. D. K=1.
a < 2 ~ 2 ~ Z ]- ]. 1
Cau 8: TlnhtongvohancuadaysoS:1+§+§+~~~+3—n+...:
4
A S=—-. B.Szi C. S=2. D. S=3.
3 2
Cau 9: Gidi han nao dudi day cé gia tri bang 07
2_9 4\" 1— 2n2 2
Alm2—2 B oam(Z). O lm—2" D limZ
3n+1 3 n?+3 n2+1
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1+243++n

Cau 10: Tim gi6i han [ = lim 13

A T=—. B. I =

1. C. I=1 D. I =0.
2 4

1. PHAN TU LUAN Tinh céc giéi han day s6 sau day:
(2n +1)(n — 3)?

Bai 1: A =1Ilim

2.7 —=3-4"
m-—-——-——.
5.7+l 4 2n

12 +224 ... 4n°
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DAP AN TRAC NGHIEM:
|1.A[2.B[3.C[4.A[|5.C[6.B[7.B|[8.B|9.D|10. B |
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= DANG 2. TINH GIGI HAN HAM SO (=, = , 00 — 00

0’ oo’

@ Cac dang vo dinh va chién luge khit bién s6

Khi tinh lim f(z) ho#c hrf f(x), néu gap cac biéu thiic khong xac dinh, ta phan loai
T—>00

T—rx0
ly thuyét xit Iy nhu sau:
0 A . 2 2 2 N =
e Dang 9 khi z — xo: Muc tiéu la lam xuat hién nhan tit chung (z — x¢) 6 tt va mau
de triet tieu.
— DPa thie: Phan tich da thic thanh nhan ti bing hing dang thic hoic so do
Horner.

— Cdn thitc: Nhan lién hgp cho tt hosic mau (hodc ca hai) dé lam 16 dien (z — x¢).
00 . . )
e Dang — khi z — Zoo: Chia ca tit vd mau cho z* v6i k 14 s mil cao nhat.
00
o Luu 1 cuc ky quan trong: Khi rat z? ra khoéi cdn bac hai: Va2 = |z| =

{a: khi x — +o0

T (Cam bay doi dau hay ra trong dé DGNL).
-z iz — —o0

e Dang oo — oo khi 2 — 4-00: Thudng chita can thiic, thiic hién nhan lién hgp dua vé
dang >
00

0 .
P Vi du 3. Khit dang vo dinh 0 bang phan tich dai s6 va lién hop

P Vi du 4. Dang v6 dinh & v6 cuc va bay diu khi tién vé —oco
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S, LUYEN TAP TAI LGP

[#' Luyén tap: Gidi han ham sb

I. PHAN TRAC NGHIEM

Két luan nao dang?

2_3r+2
Cau 2: Tinh giéi han L = lim w:
r—1 xr — 1

T—r+00

A L=-1. B. L=1. C.
3
Cau 3: Gia tri cia [ = lim zz 8 bang
z—=—273%2 —4
A I =-3. B. I =3. C.
NCES.
Cau 4: Tim giéi han A = lim L:
x—3 xr — 3
1 1
A A= - B. A=-. C.
2 4
22 —1
Cau 5: Tinh giéi han B = lim el
T—>+00 1— 3:1:2
2
A. B=2. B. B:—g. C.
Vaz+2
Cau 6: Tim gidi han L — lim Y 2152,
T——00 20— 1
A L=2 B. L=1. C.

Cau 9: Tinh giéi han L = lim

z—0 €T

BB Phan II: Trong tam kién thiic nén ting 11

Cau 1: [Trich dé DGNL 2025 - dgt 1] Cho M = hrq(x? —27) va N = lim
T—

A, M =—-N. B. M =N. C. M > N.

L=2
I =0.
A=1
B=0
L=-1

Cau 7: Két qua clia gi6i han lim (\/ 2+ x— a:) 1a

A. 0. B. 1 C. 1.
2
2 1
Cau 8: Tim gi6i han [ = lim T :
2t T — 2
A T=2 B. I = —x. C. I =+o0.
Vitr—y1—a

-
a1 1—x
D. M < N.
D. L=0
D. Iz—g.
D. A=4
D. B=+x
D. LZ%.
D. +o0
D. I=5
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1
A - . .
2 5

2
—4
Bai 1: lim :U—x—i—i’)
r—3 1}2 — 9

841
Bai2: lm — 1
z—>—17224+3x+2

B Phan II: Trong tam kién thic nén ting 11

A, L=0. B. L=1. C. L=2. D.L:%.

Cau 10: Tinh giéi han K = lim (\/3:2 +4r+ 1+ x):
T——00
A. K =2. B. K =-2. C. K=0. D. K = -
. . oat—1 o .
Cau 11: Cho gi6i han lim = M. Gia tri cia M 1a
z—1 xr — 1
A. M=1. B. M = 4. C. M=2. D. M =0.

Cau 12: [Trich dé DGNL 2026 - dgt 2] Tinh gidi han lim

II. PHAN TU LUAN Tim céc gidi han ham s6 sau:

Bai 3 ilg% 19
2 _
Bai 4: lim Yo 93
x—0 1‘2

a3+ 222 -1
r——2 5 — 31‘ )

1

. 0. D. ——.
C. 0 11
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DAP AN TRAC NGHIEM:

|1.B[2.A[3.A|4.B[5.B|[6.B|7.B|8.C|9.B|10.B[11.B|12. D |
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& DANG 3. HAM SO LIEN TUC

@ Ban chét 1y thuyét diéu kién lién tuc

e Lién tuc tai mét diém: Ham s6 y = f(x) lién tuc tai diém xo khi va chi khi:

lim f(z) = f(wo)

T—T0

Tiic 1a phai théa man dong thoi 3 dieu kien: Ham s6 xac dinh tai z; Ton tai gidi han
ctia f(z) khi z — xo; Gi6i han d6 bang gia tri ham s6 tai diém.

e Ham s6 chita nhiéu nhanh ré giéi han trai - phai: Ham s6 lien tuc tai z, khi:

lim f(z) = lim f(a) = f(zo)

$—>$0 x—)xo

e Ung dung xét nghiém phuong trinh: Néu ham s6 y = f(z) lien tuc trén doan
la; 0] va f(a)- f(b) < 0 thi phuong trinh f(z) = 0 ¢6 it nhat mot nghiém thuoc khoang
(a;b).

P Vi du 5. Xét tinh lién tuc ctia ham sd phan nhanh tai diém

Xét tinh lien tuc ctia ham s6 sau tai diem zy = 3:

P Vi du 6. Chitng minh sy ton tai nghiém ctia phuong trinh dai s

Chitng minh ring phuong trinh 23 — 3z + 1 = 0 ¢6 it nhat 3 nghiém phan biét trén tap
s6 thuc R.
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S, LUYEN TAP TAI LGP

[’ Luyén tap: Ham sb lién tuc

I. PHAN TRAC NGHIEM
Cau 1: Khing dinh nao sau day la sai?

A. Ham s6 da thtc lién tuc trén toan bo tap sd thuc R.

B. Ham s6 phan thic hitu ti lién tuc trén tiung khoang xac dinh ctia né.
C. Ham s6 y = tanx lién tuc trén R.

D. Ham s6 y = /7 lien tuc trén khodng (0; +00).

Tl 41
Cau 2: Cho ham s6 f(z) =¢ =z —1 "7 % Tim A dé ham s6 lien tuc tai z = 1:
A khiz =1
A A=1. B. A=2. C. A=0. D. A=-1.

3r+1 khiz>1

. . Tim m dé ham s6 lién tuc tai z = 1:
m—x khiz<l1

Cau 3: Cho ham s6 f(z) = {

A. m=5. B. m=3. C. m=4. D. m=2.
- .z r+2 iy R S .
Cau 4: Ham s0 y = ————— gian doan tai cac diém nao sau day?
2 —3x+2
A z=-2 B. z=1Lzx=2 C. z=1. D. z=2.

Cau 5: Tim khoang lién tuc 16n nhat ctia ham s6 y = V4 — 22:
A R B. [-2;2].
C. (—o0;—2) U (2;400). D. (—2;2).

Cau 6: Cho phuong trinh 2° + z — 1 = 0. Khéng dinh nao sau day ding vé nghiém ctia
phuong trinh?

>

Vo nghiém. B. C6 it nhat mot nghiém trén (0;1).
C. C6 it nhat mot nghiem trén (1;2). D. C6 nghiém 16n hon 2.

2

T2 e
Cau 7: Dinh m dé ham s6 f(z) = x—2 b lien tuc tai z = 2:

mir — 1 khi z <2

A. m=+V2. B. m = +2. C. m==+1. D. m=2.

Cau 8: Ham s6 nao sau day lien tuc trén khoang (—oo; +00)?

1
A y=-—. B.y=vzx -1 C.y= Qx . D. y =tanx.
T ¢+ 1
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Cau 9: Tim s6 nghiém ctia phuong trinh 223 — 6z + 1 = 0 trén khoang (—2;2):
A 0. B. 1. C. 2 D. 3.

Cau 10: Cho ham s6 f(x) lien tuc trén doan [a;b] ¢6 f(a) - f(b) < 0. Ménh dé nao chinh
xac?

Do thi ham s6 khong cét truc hoanh trén doan [a; b].

D5 thi cit truc hoanh tai duy nhéat 1 diém thuoc (a;b).

Do thi cit truc hoanh tai it nhat 1 diém thuoc (a;b).

Ham s6 don diéu trén doan [a; b].

oaow

II. PHAN TU LUAN

khi z #£ 2

tai diém z = 2.

. . . —— —F  khiz>1
Bai 2: Tim tham s6 a dé ham s6 f(z) = z—1 lien tuc tai z = 1.
ar + — khiz <1
2
2 . i~ 2 +z+1
Bai 3: Tim céc diem gian doan ctia ham so y = ’ 3 * :
3 —x

Bai 4: Chitng minh rang phuong trinh 2z* — 522 + 2 + 1 = 0 ¢6 it nhat 2 nghiém thudc
khoang (—1;1).

Bai 5: Chiing minh phuong trinh m(x —1)3(z — 2) + 2z — 3 = 0 luon ¢6 nghiém v6i moi
tham s6 m.

DAP AN TRAC NGHIEM:
|1.C[2.B|3.A|4.B|5.B|6.B|7.C[8.C[9.D|10.C|
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¥ DANG 4. QUY TAC L’HOPITAL

@ Luu y cot 16i khi van dung

Quy tic L'Hopital chi duge phép ap dung khi biéu thic gidi han roi vao cac dang vo dinh
kinh dién 1 - hogc —.
0 00

@ Cong thiic tong quat
f(z)

Gia stt ta can tinh gi6i han lim ———~ ma khi thé gia tri zy vao biéu thic, ti s6 va mau
T—rT0 g(x)

s6 dong thoi tién vé 0 hodc +oo. Néu cac ham s6 f(z) va g(z) ¢6 dao ham xung quanh

diém zg, ta luon c6 hang déng thitc gisi han:

TGO )

w0 g(@) =m0 g'(a)

P2 Vi du 7. Khit dang v6 dinh phan thiic da thic

P Vi du 8. Khit dang v6 dinh chita biéu thiic cin thic

Tinh gi6i han sau: [ = lim
x—0 x

P’ Vi du 9. Khit dang vo dinh chita biéu thitc lugng giac

p . . sinzx
Tinh giéi han sau: K = lim .
z—0 X
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[ Luyén tap: Tric nghiém quy tic L’Hopital

4

Cau 1: Tinh gia tri cta giéi han lim bang phuong phap dao ham:

T2 X —
A. 32 B. 16. C. 8. D. 4.
A . > , . sindz
Cau 2: Tinh giéi han lugng giac co ban sau: K = hn(1) :
z— T
A K=1. B. K =3. C. K=0. D.K:%.
Cau 3: [Trich dé DGNL 2025 - dgt 2] Tinh gia tri clia gidi han:
. cos(z 4+ h) —cosz
lim .
h—0 h
A. cos(zh). B. —sin(zh). C. —sinu. D. cosz.

) t h)—t
—

1 ) 1

A. cos?z. B. C. —sin®z. D.

cos?2x’ sin?z’

3x2 42
Cau 5: Tim gidi han 6 vo cyc I = lim u
T—r+00 1‘2 -5

142 —+1-2
Cau 6: Tinh gidi han sau day: L = lin%) Vit -y L
T— s

A L=2. B. L=1. C. L=0. D. L =4

3
v -2
Cau 7: Tinh gi6i han sau [ = lin% 7—|——x1:
T— €T —

BANG DAP AN:

11.A[2.B[3.C[4.B|5.C|6. A|T7. A

tuong duong véi:

A T=0. B. I =2 C. I =3 D. [ = +o0.

BB Phan II: Trong tam kién thiic nén ting 11
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9% DANG 5. CAC BAI TOAN NANG CAO (TIM a,b,m
VA DINH GIA TRI)

@ Phuong phap xit 1y bai toan chia tham s an s trong gii han

Day 1a dang bai diém nhan phan héa cuc cao trong cau tric bai thi tu duy va DGNL.

. ) ) ) P
e K§ thuat ddng nhit he sé khit vo dinh 2: Néu lim (z)
0 z—zo Q)

ma Q(z) = 0 = BAat budc tit s6 phai théa man P(zy) = 0. Tt phuong trinh diéu kién
nay, lap méi lien hé gitta cac tham sb a, b, m, thé ngudc lai dé giai nghiem huu han.

= L (v6i L hitu han)

e Phuong phap ép dieu kién hé sb6 bac vo cuc: D6 véi dang
lim (\/Aa:2 + Bx+C — (Dx + E)) = L hitu han, diéu kién tién quyét 1a hé s6 bac

T—r—+00

cao nhét sau lien hop phai triet tieu, nghia la A — D? =0 = D = VA.

P Vi du 10. Tim tham sb dé giéi han dat mot gia tri hitu han cho trudc

>4 axr+b

Biét ring gi6i han lin% = 5. Tinh gi4 tri ctia biéu thic T = a? + V2.
z—

P Vi du 11. Tim tham sb nang cao ngin chin giéi han phan ky & v6 cuc

Tim tat ca cac gia tri thuc clia tham s6 a dé giéi han L = lim (\/ 472 + 3+ 1 — ax)

Tr——+00
14 mot s6 hitu han.
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S, LUYEN TAP TAI LGP

[#' Luyén tap: Bai toan nang cao chita tham s

I. PHAN TRAC NGHIEM

2
. — 4 .
Cau 1: Biét lim % — b v6i a,b € R. Tinh gia tri bidu thitc P = a + b:
T— T —
A P=4. B. P=2. C. P=0. D. P=6.
Cau 2: Cho biét lim L‘L_Q =b. Tinh tich s6 S =a - b:
r—1 xr — 1
3 1

Cau 3: Tim gia tri ctia tham s6 a dé giéi han lim (\/ 2 +ar+1-— a:) =3

T—r+00

A a=3. B. a =6. C. a=12. D. a=2.

JETT -1
VErI=l s so

” . Tim a dé ham sb lién tuc tai
202+ 3z +a khixz <0

Cau 4: Cho ham s6 f(r) =

diém z = 0:
1
A a=1 B.a:§. C. a=0. D. a=2.
Cau 5: Biét giéi han lim (\/ 922 + ax + Sx) = 2. Gi4 tri clia tham s6 a bang bao
T—r—00
nhiéu?
A a=12. B. a=-12. C. a=6. D. a=—6.
. V 1-1 .
Cau 6: Neu liII(l) ar = 2 thi gia tri ctia a bang
z— T
A a=1 B. a=2. C. a=4. D. a=28.

Cau 7: Tim tat ca cac gia tri ctia m dé phuong trinh 2 — 322 + (m — 1)z +2 = 0 lién
tuc c6 it nhat mot nghiém thie 16n hon 2.

A m<1. B. m > 1. C. meR. D. Khong ton tai m.

) 3 4+ az? + by — 2
Cau 8: Biét ljm — %" T 07
r—1 :L‘—l

A S=1 B. =2 C. S=3. D. §=4.

— 4. Tinh téng S = a + b:

Cau 9: Tim ditu kien lien he gita a va b dé gi6i  han
lim (\/x2+az+2—\/x2+bx+1) =0:

r—r-+00
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A a=hb. B. a= —b.

% —a?
khi ) . a2 s
iz#a lién tuc tai diem z = a thi gia tri a la

Cau 10: Dé ham s6 f(z) =4 z—a
4 khiz =a

A a=4. B. a=2. C. a=1. D. a=0.

II. PHAN TU LUAN

2 b
Bai 1: Cho biét lim % = 4. Xac dinh cu thé cac hing s6 a va b.
x —

r—3

Bai 2: Tim cac gia tri thuc cla a,b thda man dang thic gi6i han sau:

lim (m_bx) _ 9.

Bai 3: Tim gia tri tham s6 m dé ham s6 sau lién tuc trén toan bo tap xac dinh R:

31
* khiz > 1

fl)=¢ z—1
mr+2 khiz<l1

Bai 5: Cho da thic P(z) bac ba théa man lim =
z—1 (:)3 — 1)2 =2 — 2

tri cia P(0).

DAP AN TRAC NGHIEM:
|1.A[2.A[3.B[4.B|[5.B[6.C|7.A|8.A[9.A[10.B|
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A BAI TAP VE NHA TU LUYEN

I. PHAN TRAC NGHIEM KHACH QUAN
‘ 2 I
Cau 1: Gia tri ctia giéi han lim ;—+ bang:
-n
2
A 2. B. —2. C. 3 D. +oc.
. vVn?2 4342
Cau 2: Tinh gi6i han day s6 vo han L = lim %;Ln:
n
A L=1 B. L=2 C. L=3. D. L=0.
a 4 2 o e . $'2 —4 .
Cau 3: Ket qua cua gidi han lim — la
=2 ¢ — 20
A 2. B. 4. C. 0. D. 1.
vV -2
Cau 4: Tim giéi han I = lim x2—3:
rz—1 xre — 1
A.Izl. B.[:l. C.Izl. D. I=1
4 8 2
VIr2+2—2
Cau 5: Tim giéi han L = lim O+ z.
r——00 T + 5
A 1. B. 5. C. —5. D. —1.
Cau 6: Tinh giéi han vo cyc A = lim 20+ 3:
z—1- x —1
A —occ. B. 4oc. C. 2. D. —5.
A 2 . .2 . » R z 20 — 1
Cau 7: Xac dinh diem gian doan cua ham s0 y = ———:
¢ —x—6
A z= B. x=-2
C.z=3vazxr=-2 D. Khoéng c6 diém gian doan.
r? — 4z + 3 :
Cau 8: Cho ham s6 f(x) = r—3 khi o 7 3. Tim m dé ham s6 lién tuc tai
m? — 2 khi z =3
=3
A m==£2. B. m=4v2. C. m= =+l D. m=2.
5 o P tar+b s s
Cau 9: Cho biet lim ——————— = 6. Tinh tong hang s0 S = a + b:
x—2 €xr — 2
A S=2 B. §=—6. C. §=-2 D. §=4.
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Cau 10: Phuong trinh nao sau day chdc chan ¢6 nghiem trong khoang (0;1)?

A 23 —-3z+5=0. B. 32 —423+1=0.
C. 25+2x—1=0. D. 22—z+1=0.
~ P X ~ z .z Uy = 2026
Cau 11: [Trich de DGNL 2026 - dgt 2] Cho day so (u,,) bict: )
Un+1 = §un
Uy + 1 3 . 2

bat v, = 3u. 12 Tinh L = nl_l}I_’I_loo [ﬁ(vl + 2v9 + 3vz + - - - + nvn)]
1

A~ B. —-. ) ) D. 1.
3 5 C. 400

BANG DAP AN TRAC NGHIEM BTVN
1.B|[2.C|3.A|4.B|5.C|6.A|7.C|8 A|9.C|10.C|11.B

II. PHAN TU LUAN

. , Van? +1—
Bai 1: Tinh gi6i han day so6 bac phan thic hitu ti: L = lim %
n
Bai 2: Khit vo dinh chia cin thic diy s6 bang nhan lien hop: I =
lim (\/n2 +5n —vn?+n).

7z 2 2 - 5 4
Bai 3: Tinh giéi han ham so tai diem: A = lim T oor+s
r—4 \/E -2
Bai 4: Tinh gi6i han ham s6 chia cin thic khi z dan t6i vo han: B =
lim (\/x2+4x—|—3—$).

T—r+00

Vit —z+14+ 22

Bai 5: Tinh gi6i han ham s6 tai vo cye: C = lim

T——00 T + 1
38
- khi z # 2
Bai 6: Xét tinh lién tuc trén toan tap xac dinh ctia ham so: f(x) = { 22 — 4 )
3 khi x =2

Bai 7: Tim diéu kién tham s6 ¢ dé ham s6 lien tuc tai diém ranh giéi cau trac z = 0:

V14+3zx—1

g(x) = x 1
a2x+2a—§ khi z <0

khixz >0

> +ax+0b

Bai 8: Cho biét lim
r—1 €r — 1

= 3. Tinh tong binh phuong hé s6 T = a? + b%.

Bai 9: Cho giéi han vo cuc chita tham s6 an: lim (\/ 42 4 ax +1 — 2x> = —1. Tim

r—r—+00
gia tri thyc ctia tham s6 a.
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CHUYEN DE 4: HAM SO MU VA LOGARIT

i= DANG 1. CONG THUC LUY THUA - LOGARIT

@ 1. Cong thiic va tinh chat ctia Liy thita (Vé6i a,b > 0; 2,y € R)

xX
T, Y — 4Tty @ _ ey TVY — 4TY
ea”-a¥=a e —=ua e (a")¥ =ua

a
xT xr 1 N
.(%) :Z_ ea"=— eYam=an (V6inecN'n>2) e/ %a= "Va
Wi ax
Tinh chit don diéu cua liy thirta: Cho s6 thuc a > 0.

e Néua > 1 thia® > a¥ & = > y (ham s6 dong bién).

e Néu 0 <a<1thia® > a< z <y (ham sb nghich bién).

@ 2. Dinh nghia va hé théng céng thiic Logarit (Diéu kién: 0 < a # 1; b,c > 0)

Dinh nghia géc: log, b = a < a® = b.
Cac cong thiic bién doi cd ban:
elog,1=0; log,a=1 e a8t =1p; log,(a’) =D

b
e log,(b-c)=log,b+log,c elog, (E) = log, b — log, ¢

1
o log, (b*) = alog, b *logysb= log,b (8£0)
Céc cong thitc doi co s6 (Vir khi giai phuong trinh/hé phuong trinh):

log, b 1
e log, b= & (0<c#1) e log, b= (b#1)
log.a log, a
e Cong thitc ddi chd: a8 ¢ = 8@ o Hé qua chudi: log, b - log, ¢ = log, ¢

@ 3. Quy tic tim Tap xac dinh ctia Ham sd Liy thira, M va Logarit

1. Ham sé6 lity thita y = [f(z)]*: Tap xac dinh phu thudc hoan toan vao cau tric sd
mi «:
e Néu a € N* (Nguyén duong): Ham s6 xac dinh khi f(x) xac dinh.
e Néu a € Z~ U {0} (Nguyén am hoic bang 0): Diéu kien 1a f(z) # 0.
. . 2 .
e Néu a ¢ Z (S6 thuc khong nguyen nhu 7, e, /2, §) Diéu kién la f(z) > 0.

2. Ham s6 Mii y = /@ (0 < a # 1): Ham s6 xac dinh khi va chi khi biéu thic f(x)
c6 nghia.

5 0
3. Ham so Logarit y = log,,[f(z)]: Xac dinh khi va chi khi: /(@) >
0<g(z)#1
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A Vi du 1. Bién déi riat gon biéu thitc chita cin thitc dan xen

P2 Vi du 2. Tim tap xac dinh ctia ham sé chia dau kép phan thic va logarit

P Vi du 3. Bién d6i logarit biang biéu thiic lién hop

Cho s6 thuc z théa man ding thiic (\/x2 +1+ :E) 2020 _ 2026. Tinh gié tri ctia biéu thiic
logarit P = logyy (V2% +1—x).

P Vi du 4. Giai hé logarit khic cd sd bing phuong phap dat an phu

Cho céc s6 thyc duong a,b théa man hé ding thitc phuong trinh: log, a = loggb =

logg(2a + 3b) — 1. Tinh gid tri clia ti 6 S = %.
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B Vi du 5. Bién do6i liiy thira tang chita an & cd sb logarit

Cho céc s6 thuc z,y > 1 théa man hé phuong trinh logarit: log, (y°*) = log, (¢*) = 20.
Tinh gia tri ciia tich dai s6 P =z - y.

S, LUYEN TAP TAI LGP

[’ Luyén tap: Cong thitc ham s6 mi va logarit

I. PHAN TRAC NGHIEM

Cau 1: [Trich d&@ DGNL 2025 - dgt 1] Tap xéac dinh cia ham s6 y = (4 — 22)° Ia
khoang hoac tap hgp nao sau day?

A. D=R\{-2;2}. B. D= (-2;2).
C. D= (—00;—2)U (2;+00). D. D=R.
Cau 2: [Trich dé DGNL 2025 - dot 2] Tim tap xac dinh D ctia ham s6 chita dong
thoi can thitc va logarit tur nhien y = \/% + In (222 — 4):
A. D= (v2;40). B. DzR\%.
C. D=R. D.D:(%;—i—oo).

Cau 3: Cho hai s6 thuc z,y thoéa man phuong trinh déi ngdu hing ding thic lien hop
(V22 + 1+ z) (\/y2 +1+ y) = 1. Gia tri ctia biéu thic P = z + y bang:

A P=1 B. P=0. C. P=-1. D. P=2.
Cau 4: [Trich dé DGNL 2026 - dot 1] Cho cac s6 thuc z,y > 1, théa man he ding
thitc log, (y°*) = log, (z*) = 20. Gi4 tri cta tich dai s6 zy bang;
A 2. B. 4. C. 10. D. 40.
Cau 5: [Trich dé DGNL 2025 - dgt 2] Cho cic s6 thuc a > b > ¢ > 1. Phuong trinh
nao sau day vo nghiém?

A. a® + & = b, B. a® +b* = ~.
C. a®+b*+c*=1. D. b® 4 c® = a®.
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Cau 6: Cho a la s6 thuc duong tiy ¥, biéu thitc hoan ddi liy thita P = /a2 - \/a duge

viét dudi dang sd6 mii hitu ti 1a

[SIEN]

D. P =as.

W=

A. P=as. B. P=as. C. P=as.

Cau 7: Cho log,b = 2 va log, ¢ = —3. Gia tri ctia biéu thic logarit tong hop M =
a’ - b? N
log,, ( 3 ) bang
c

A. M =16. B. M=T. C. M=-2. D. M = 14.

Cau 8: Cho a,b 1 hai s6 thuc duong théa man dang thiic a? + b?> = 14ab. Khang dinh
nao sau day la dang?

a+b

A. 2logy(a+b) =4 +logya+log,b.  B. log, ( ) = log, a + log, b.

1
C. 2logy(a+0b) =1+logya+log,b. D. logy(a+b) =4+ 5 log,(ab).

Cau 9: Dit In2 = a va In3 = b. Biéu dién biéu thic logarit T = log, 9 theo hai tham
s6 a va b ta dugce két qué:

A.T:é. B.T:2—b. C.Tzi. D. T=a-0.

a a 2a

Cau 10: S6 gia tri nguyén ctia tham s6 m dé ham s6 y = In(z% — 42 +m) c6 tap xac dinh
rong khap trén toan truc s6 R 1a

A. Vo sb. B. 3. C. 4. D. 0.

BANG DAP AN BAI TAP LUYEN TAP TAI LGP (PHAN 1)

1. A|2.A|3.B|4.C|5.A[|6.A|7.A |8 A |9 A|10. A

II. PHAN TU LUAN

Bai 1: Tim tap xac dinh D clia ham s6 chita s6 mil thyc khong nguyén: y =
(z? — bz + 6)\/i + logs(x — 1).

Bai 2: Cho z,y la cac s6 thyc duong bién thien thdéa man phuong trinh co s6: logg x =

log,, y = log,s(z + y). Hay tinh gid tri chinh x4c clia ti s6 phan thic k = L
Y
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Bai 3: Khong diing may tinh cam tay, hay thuc hién rat gon biéu thiic dai s6 sau:
4 1 2
as (a’E + aE)

vl a > 0.

Bai 4: Cho dit kién logarit log,, 3 = a. Hay biéu dién gia tri ctia biéu thiic log,, 18 hoan
toan theo bién sb a.

Bai 5: Tim diéu kién ctia tham s6 thuc m dé ham s6 y = log, [ma? — 4z + m] x4c dinh
v6i moi gia tri x € R.

Bai 6: Cho phuong trinh hé thic liy thita @'°®7 = 27 va b'°e7 1l = 49. Tinh gi4 tri clia
biéu thiic tong lily thita tang: S = o837 4 plos? 11,

Bai 7: Chiing minh ring v6i moi s6 thic duong a, b théoa man a® + 40* = 12ab, ta luon

. 1
c6 dang thic logarit: log(a + 2b) — 2log2 = i(loga +logb).

Bai 8: Cho ham s6 ¢6 tinh chat dbi xting qua tam: f(z) = In (z + v2? + 1). Tinh tong
tat ca cic gia tri cta chudi s6 thuc: S = f(—2026) + f(—2025) + - - - + f(2025) +
£(2026).

Bai 10: Cho ba s6 thuc duong a, b, ¢ khac 1 thoa man chudi tich log, b - log, ¢ -log.a = 1.
Hay don gian hoa biéu thiic dai s6 sau: P = a%8¢ . plosc@ . clogab,
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i= DANG 2. PHUONG TRINH MU VA LOGARIT

@ 1. Phuong trinh mii cd ban va cic phuong phap bién d6i nang cao

e Dang co ban: a/®) =b (v6i 0 < a # 1)

— Néu b < 0: Phuong trinh hoan toan vo nghiém.
— Néu b > 0: /@ = b & f(x) =log, b.

e Cac phuong phap giai quyét 16i:

— Dua vé ciing co s6: o/®) = 9@ < f(z) = g(z).

— Diat an phu dang tam thic bac hai: 4 - ¢*@ + B . a/® + C = 0. Dat
t = a/® (Diéu kien bt buoc: ¢t > 0).

— Logarit héa hai vé khac co sb:
al®) = 9@ & f(x) = log, (b¥™)) = g(z) - log, b.

@ 2. Phuong trinh logarit va cic bay diéu kién xac dinh

e Dang co ban: log, f(z) =b (v6i 0 < a # 1)

— Diéu kién bat buoc: f(z) > 0.

— Bién ddi gbc: log, f(z) =b < f(z) = a.
e Cac phuong phap giai quyét 16i:

f(z) >0
f(@) = g(x)

— Dat an phu: A-log? f(x) + B -log, f(z) + C = 0. Dat t = log, f(x) (Khong
can diéu kién cho tap gi tri cia t).

— Dura vé cling co s6: log, f(z) = log, g(z) < {

P’ Vi du 6. Phuong trinh mii dua vé ciing co sb

P Vi du 7. Phuong trinh mii sit dung phuong phap dit an phu

Giai phuong trinh mia sau: 4* — 3-2% +2 = 0.
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P Vi du 8. Phuong trinh logarit dua vé ciing co s6 va biy diéu kién

Giéi phuong trinh logarit sau trén tap s6 thuc: log, x + logy(z — 2) = 3.

P Vi du 9. Phuong trinh logarit dat an phu tam thic

Giai phuong trinh logarit sau: log§ x—4loggr +3=0.

P Vi du 10. Trich d&¢ PGNL 2025 - dot 1

Tim gia tri cia tham s6 m dé phuong trinh log; = — log,  — 2025m = 0 ¢6 hai nghiém
phan biét x, x5 va phuong trinh 9¥ —m - 3Y + (\/5)7 = 0 ¢6 hai nghiém phan biét yq, ys,
dong thoi cac diem A(xq; 1), B(z2; y2) trén he truc toa do Oxy thoa man didu kien vuong
goc OA L OB.

P Vi du 11. Trich dé PGNL 2026 - dot 2

Biét hai s6 thyc z,y thda man phuong trinh logarit: 1+ log, = + log,(z —2) = log, y. Hay
tim mdi quan hé ham sb tryc tiép gitta hai bién = va y.
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S, LUYEN TAP TAI LGP

[’ Luyén tap: Phuong trinh mii va logarit

I. PHAN TRAC NGHIEM

Cau 1: Biét phuong trinh log,(9 — 2%) = 3 — x ¢6 hai nghiém thyc phan biét x1, 5. Gia
tri ctia biéu thic tong P = z1 + 2 bang:

A3 B. 9 C. 2 D. 0

Cau 2: Tich tat ci cac nghiém thiic phan biét ctia phuong trinh chita an 6 co s6 log, 8 +
log, * = 4 bang:

A. 16. B. 4. C. 8. D. 12.

Cau 3: Tong tat ca cac nghiem thuc ctia phuong trinh mii 4 — 5 - 2% +4 = 0 bang

A. 5. B. 4. C. 2. D. 0.

Cau 4: Tap nghiem S clia phuong trinh logarit co ban log;(z? — x +3) =1 1a
A. S =1{0;1}. B. S={1}. C. S=1{0}. D. S=a.

Cau 5: Tim s6 nghiém thyc ctia phuong trinh log, x + logy(x — 1) = 1:
A. 0. B. 1. C. 2. D. 3.
Cau 6: Biét phuong trinh 9% — 4 -3% + 3 = 0 ¢6 hai nghiém phan biét z, z5. Gia tri clia
biéu thtic tich tong hop P = x; - x5 bing

A. 3. B. 1. C. 0. D. 4.

Cau 7: Phuong trinh log,(3* — 8) = 2 — x ¢6 bao nhiéu nghiém nguyén?

A. 0. B. L C. 2. D. 3.

Cau 8: Tim tap hop tat ca céc gia tri ctia tham s6 m dé phuong trinh 4% —m-2*T1 +2m =
0 ¢6 hai nghiém phan biét:
A.m>0. B. m > 2. C. 0<m<2. D. me @.
Cau 9: Cho phuong trinh logg r — 3logy,  +2 = 0. Néu dat ¢ = log, x, phuong trinh tré
thanh dang nao dudi day?
A -3t+2=0. B. t?4+3t+2=0.
C. 2 =3t+1=0. D. *-3t—-2=0.
Cau 10: Cho phuong trinh Iy thita co ban 3%*~! = 27. Nghiém ctia phuong trinh nay la

A z=1. B. z=2. C. z=3. D. z =4.
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BANG DAP AN BAI TAP TAI LOP (PHAN 2)

1. A|2.A|3.C|4.A|5.B|6.C|7.B|8 B|9.A|10.B

II. PHAN TU LUAN

Bai 1: Giai phuong trinh mf dua vé cling co sé sau trén tap sé thye: 2773742 — g1,

Bai 3: Tim gid tri ctia tham s6 m dé phuong trinh log; = —log, 2 —6m = 0 c6 hai nghiem
phan biét x1, x5 va phuong trinh 9¥ —m - 3Y + 3v/3 = 0 ¢6 hai nghiém phan biét
Y1, 12 sao cho cac diem A(zy;y,) va B(wa;ys) trén hé truc toa do thoa man diéu

kién hinh hoc OA L OB.

Bai 5: Tim diéu kién ctia tham s6 m dé phuong trinh bac hai déi véi logarit logs z —
(m + 2)loggx + 3m — 1 = 0 ¢6 hai nghiém phan biét théa méan hé thic tich hé
qua: x1 - xo = 27.
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Bai 7: Tim nghiém thuyc ctia phuong trinh logarit sau bang cidch dua vé cling co so6:
logy x + log,(x — 1)* = 2.

Bai 8: Cho phuong trinh 4% — (m+1)2% +m = 0. Tim tat ca cic gia tri ctia m dé phuong
trinh ¢6 hai nghiem phan bigt trai dau (z; < 0 < ).

Bai 9: Stt dung phuong phap ham sé don diéu dinh tinh, hay gidi phuong trinh sau:
3+ 4% = 5",
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i= DANG 3. BAT PHUONG TRINH MU VA LOGARIT

@ 1. Bat phuong trinh mii va quy tic xét chiéu co sb

Cho bat phuong trinh mii co ban c6 dang a/® > a9 (véi a > 0,a # 1).
e Trudng hop dong bién (a > 1): Bat phuong trinh giit nguyén chiéu bién thien:
@ > 9@ & f(z) > g(z)
e Trudng hgp nghich bién (0 < a < 1): Bat phuong trinh ddo ngude chiéu bién
thién:
@ > 9@ & f(z) < g(z)
e Bit phuong trinh dang a/® > b:

— Néu b < 0: Bat phuong trinh luon ding véi moi = thuodc tap xic dinh cla
().

— Néub>0vaa>1:a’® >be f(x)>log,b.

—~Néub>0va0<a<l:a® >be f(z)<log,b.

@ 2. Bit phuong trinh logarit va bay diéu kién bién

Cho bat phuong trinh logarit co ban c6 dang log, f(x) > log, g(z) (v6i a > 0,a # 1).

e Canh bao su pham: Hoc sinh rat dé queén dit diéu kien cho biéu thitc dudi dau
logarit duong truGe khi pha bo logarit.

e Trudng hgp dong bién (a > 1): Giit nguyén chiéu va cai diéu kién cho biéu thitc
nho hon:

log, f(z) > log, g(x) & {g

e Trudng hgp nghich bién (0 < a < 1): Déo ngudc chiéu va cai dicu kién cho biéu
thitc nhé hon:

log, f(x) > log, g(x) & {
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P Vi du 13. Bat phuong trinh logarit chita bay diéu kién va nghich bién

P2 Vi du 14. DBat an phu két hop dinh 1y Vi-ét cho bat phuong trinh mil

Tim tat cd cac gia tri clia tham s6 m dé bat phuong trinh 97 — 2 - 3**! 4+ m > 0 nghiém
ding véi moi s6 thyc = € R.

S, LUYEN TAP TAI LGP

[ Luyén tap: Bat phuong trinh ma va logarit

I. PHAN TRAC NGHIEM
Cau 1: Tap nghiém S ctia bat phuong trinh mfi co ban 3**1 > 9 1a

A S=(1;400). B. §=(2;4+00). C. S=(-o00;1). D. S=][1;400).

Cau 2: Tim tap nghiém S ctia bat phuong trinh mii chita co s6 nghich bién (0.5)’”2_1 > 1:
A, S = (—o0;—1]U[1;400) B. S=[-1;1]
C. = (-1;1) D. §=R
Cau 3: Tap nghiém ctia bat phuong trinh logarit dong bién log,(z — 3) < 3 1a khoang
hoac doan nao dudi day?

A. (—oo;11]. B. (3;11). C. (3;11]. D. [3;11].

Cau 4: Giai bat phuong trinh logarit ¢6 co s6 nho hon 1: logg o(z — 1) > —1.

A x <6. B. 1<z <6. C. z>6. D. 1<z<6.

Cau 5: Tim tap nghiém clia bat phuong trinh mi gidi bang phuong phap dat an phu:
47— 5.2 44 <0.
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A, S =11;4] B. S=10;2].
C. S=(0;2). D. S = (—00;0]U[2;400).
Cau 6: Tap nghiém ciia bat phuong trinh logarit bac hai logs 2 — 4logs z + 3 > 0 la
A, S =(0;3) U (27;+00). B. S =(—00;1)U(3;400).
C. S =(327). D. S =(0;3] U[27;+00).
Cau 7: Bat phuong trinh dua vé ciing co s6 log, x + log,(z — 2) < 3 ¢6 tap nghiem 1a
A S =(2;4]. B. S =[-2;4]. C. S =(0;4]. D. S=(2;4).
Cau 8: S6 nghiém nguyén cia bat phuong trinh logarit chita an trong tam thiic log 1 (x*—
x)>—11a
A. 0. B. 1. C. 2. D. 4.
Cau 9: Tim tat ca cac gia tri ctia tham s6 m dé bat phuong trinh log, (22 + 22 +m) > 1
nghiém ding v6i moi s6 thiuc z € R:
A . m>3. B. m > 3. C. m<a3. D. m>2.
9 z—1 3 2z+4
Cau 10: Tap nghiém ciia bat phuong trinh doi chiéu co s6 liy thira <§> < (§>
la
A S=[-1;4). B. S=(-o0;—1]. C. S=[-3;400). D. S =(—00;-3|.
Cau 11: [Trich dé DGNL 2026 - dot 2] Cho bat phuong trinh 2% + 2 < y + log, y véi
x,y € ZT; y < 15. S6 gia tri x thoa man 13
A. 5. B. 4. C. 3. D. 2.
BANG DAP AN BAI TAP TAI LGP (PHAN 3)
1. A|2.B|3.C|4.B|5.B|6.A|7.A|8C|9.A|10. A |11.C
II. PHAN TU LUAN
Bai 1: Giai bat phuong trinh mi bing cach dua vé ciing co s6: 2777 < 47+2,
Bai 2: Tim tap nghiém ctia bat phuong trinh logarit nghich bién sau: log 1 (2?2 —3z2+2) >
—1.
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Bai 3: Tim cac nghiém nguyén ciia bat phuong trinh dat an phu tam thiic mii: 9% — 10 -
3*+9<0.

Bai 4: Giai bat phuong trinh logarit bac hai chita khoang phan tach nghiém: log% T —
3logyz —4 > 0.

Bai 5: Giai bat phuong trinh mii chita hé thic lugng lien hop dai s6 nang cao: (2 —
V3)T + (24 V3)" > 4.

2) > 1.

Bai 7: St dung phuong phap logarit héa hai vé khac co s6 dé giai bat phuong trinh:
2z2—4 Z 3$—2.

Bai 8: Tim tét ca cac gia tri thuc ctia tham sé m dé bat phuong trinh logarit sau c6 tap
nghiem la R: logs(2* + ma 4+ 4) > 1.

Bai 9: Ap dung phuong phép danh gia tinh don dieu ctia ham s s6 hoc dé giai bat
phuong trinh: 3% + 4% > 57,

Bai 10: Giai bat phuong trinh chita dau giad tri tuyet doéi dan xen diéu kién logarit:
log, |z — 3] < 1.
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A BAI TAP VE NHA TU LUYEN
I. PHAN TRAC NGHIEM KHACH QUAN

Cau 1: Cho hai s6 thuc duong a, b tiy ¥ thoa man log, b = 2. Tinh gia tri ctia biéu thiic
biéu dién tong hop P = log, (a?b?):

A, P=28. B. P=5. C. P=6. D. P=T1.
Cau 2: Tim tap xéc dinh D ctia ham s6 chita biéu thtc logarit trong tam thic y =
logs (2% — 4z + 3):

A, D= (—00;1)U(3;400). B. D=(1;3).
C. D=1[1;3]. D. D=R\{1;3}.

Cau 3: Tinh dao ham cap mot clia ham s6 siéu viet y = In(2? + 1) trén tap xac dinh:

2z 1 9 x
Ay = : B. ¢y = : C. v =2zxIn(z*+1D. y’:x2+1.

Cau 4: Tim tap gia tri 7' ctia ham s6 mil co ban y = 2% trén tap sé thuc R:

A. T=(0;400). B. T=R. C. T=[0;+00). D. T=R\{0}

Cau 5: Nghiém ctia phuong trinh mfi dua vé cling co s6 22271 =8 13

A x=2. B. x=1. C. z=3. D. x=4.

Cau 6: Tap nghiem S ctia phuong trinh logarit bién ddi co ban log, (22 — z) =1 la
A S={-1;2}. B. S={1,-2}. C. S=1{2}. D. S={-1}.
Cau 7: Tap nghiem S ctia bat phuong trinh mi chtia co s6 nhé hon mot (0, 3)* < (0, 3)*
la

A, S=(2;400). B. §=(-00;2). C. S=(-00;2. D. S=][2;400).

Cau 8: Tap nghiém S ctia bat phuong trinh logarit dong bién log, (22 — 4) > 2 1a
A. S =(4;400). B. S=(2;400). C. §=(2;4). D. S =[4;+0).
Cau 9: Cho céc s6 thue duong théa man log, 3 = a va log, 5 = b. Bicu dién log, 45 theo
a va b:
A. 2a+0b. B. a+ 2b. C. a®b. D. a+ b2
Cau 10: Tong tat ca cac nghiém thuc clia phuong trinh mii dit an phu tam thic 4% — 6 -
27 4+ 8 = 0 bing
A. 3. B. 8. C. 6. D. 2.
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Tap nghiém S clia bat phuong trinh logarit nghich bién bay diéu kién log 1 (x —
1)>-21a

S = (1;5]. B. S=[1;5]. C. S=(-o0;5]. D. S=(1;5).

Dém sb nghiem nguyen thuoc tap xac dinh ciia bat phuong trinh mi (0, 2)%° 3 >
0, 04:

4. B. 3. C. 2. D. 5.

Mot ngusi giti 100 tricu dong vao ngan hang véi 1ai suat 6% mot nam theo hinh

thitc 1ai kép ky han nam. Hdi sau it nhat bao nhiéu nam ngusi dé thu duge tong
s6 tien c& gbc 1an 1ai 16n hon 150 trieu dong?

7 nam. B. 6 nam. C. 8 nam. D. 9 nam.

Phuong trinh bac hai déi véi logarit log; = — 3log, 2 +2 = 0 ¢6 hai nghiém phan
biét x1, x5. Gia tri ciia tich hinh hoc P = z; - 2, bang

8. B. 6. C. 3. D. 4.

Tim tap hop tat ca cic gia tri clia tham s6 m dé phuong trinh mi (4% — 27+1) +
m = 0 c6 nghiém thuec:

m < 1. B. m<1. C. m>0. D.0<m<1.

Tap nghiém S ciia bat phuong trinh mii dat an phu tam thic lien tuc 3% — 4 -
3F+3<01la

S =[0;1]. B. S=(0;1). C. S=I1;3]. D. S = (—o0;0] U

Tim tap nghiém S ctia bat phuong trinh logarit chita diéu kién rang buoc hai vé
logs(z% — 1) < 1:
S=[-2;—-1)U(1;2]. B. S

S =(1;2]. D. S=[-2;-1).

Tim tat ca cac gia tri thuc clia tham s6 m dé bat phuong trinh mi 9° —2-3*+m >
0 nghiém dung véi moi s6 thyc x € R:

m > 1. B. m>1. C. m>0. D. m< 1.

Tim tham s6 m dé phuong trinh logs z — 4log; © + 2m — 1 = 0 c¢6 hai nghiem
phan biét x1, zo théa man hé thic tich bién hitu han z; - x5 = 81:

5 5 5
—. B. —. ) < =, D. 2.
m<2 m>2 C m_2 m <

T

9r 13
1 2 2025
IaCS“f(Qmm)'%f(Qmm)'+'”*_f<mn6>'

Cho ham s6 mi dic trung doi xing f(z) = . Tinh gia tri tong chudi roi
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A.

1012, 5. B. 2025. C. 1013. D. 506, 5.

BANG DAP AN PHAN BAI TAP VE NHA TRAC NGHIEM

1. A

2.A |3 A |4 A |5 A 6.A|7A ] 8A|9A 10.A

11. A [12. A |13. A|14. A |15 . A |16. A |17. A|18. A | 19. A | 20. A

Bai 1:

Bai 2:

Bai 3:

Bai 4:

Bai 5:

Bai 6:

Bai 7:

Bai 8:

Bai 9:

Bai 10:

II. PHAN TU LUAN

Rit gon va tinh gia tri chinh xéc ciia bicu thiic dai s6 chita can thiic liy thita
phdi hop tang 16p sau:

4 _1 2
a3 la 3 4+ as

1 3 _1
at lar +a 1

P = (v6i a > 0).

Giai phuong trinh mii bang phuong phap diit an phu dua vé hé phuong trinh tam
thitc bac hai an gidu s6 hang: 4°°~% — 5. 22" ~==1 _ 1 — ()

Giai phuong trinh logarit bang céch tach bién doéi tdng thanh tich két hgp nhém
nhan tif chung dai s6 ddc trung: log, z - logg © — 2logy x — 3logg x + 6 = 0.

Giai bat phuong trinh mi dong cap bac hai bang cach chia cho s6 hang co s6
bién thich hgp: 2-4% — 5.6 +3- 9% < 0.

Tim tap nghiém xac dinh ctia bat phuong trinh chita an & ca co s6 va biéu thic
lay logarit: log, (2 — 4z +4) > 2.

Giai phuong trinh siéu viet bang phuong phéap logarit héa hai vé khac co s6 c6
A : 2 2, £ ~ z—1
chita bien nghich dao ¢ s6 mi: 5 - 8 = = 500.

St dung tinh chat don diéu ctia ham s6 (phuong phap ham s6 dinh tinh) dé gidi
phuong trinh sau trén tap s6 thuc R: logy(z + 1) + 2 = 3.

Mot quan thé vi khuan ban dau c6 500 cé thé, biét ring ct sau mdi gio sé lugng
vi khuan tang léen gap doi theo ham s6 mil tang truéng. Viét cong thiic tinh sb
lugng vi khuan sau ¢ gis. Hoi sau it nhat bao nhiéu gis thi s6 luong vi khuan dat
quy mo6 toi thiéu 1a 1.000.000 c4 thé?

Tim tat cd cac gia tri ctia tham s6 m dé phuong trinh bac hai déi véi logarit
10g§ x — 2mlogs x + m? — 4 = 0 ¢6 hai nghiém phan biét z;, x5 thuoc khoang hé
gidéi han (1;27).

Tim tat ci cac gia tri ctia tham s6 thyc m dé bat phuong trinh mit sau c6 it nhat
mot nghiém thiyc x théa méan diéu kién toan hoc: 4* — m - 2*7 4 3m — 2 < 0.
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CHUYEN DE 5: HINH HOC KHONG GIAN

@ 1. Nhan dién nhanh quan hé vuéng géc

Trong céc dé thi trac nghiém, thay vi trinh bay cac budc chitng minh vuong géc dai dong,
hoc sinh can ghi nhé cac hé qua sau day:

e Dudng vudng géc véi mit: Néu dudng thang d L (P) thi d vuong goc véi moi
duong thang nim trong (P).

e Mat bén vuong géc véi day: Trong hinh chép, néu c6 mot mit bén vuong goc
véi day thi duong cao clia mat bén ké tit dinh S chinh 14 dudng cao ctia khéi chop.

e Hinh chép déu (S.ABCD hoiac S.ABC): Duong cao luon ha tit dinh xuéng tam
duong tron ngoai tiép ddy (tam O ctia hinh vuong, hinh chit nhat hodc trong tam
G clia tam giac deéu).

@ 2. Cong thic tinh géc va khoang cach

e Goéc gitta dudng thang d va mat phang (P): 1a goc gitta d va hinh chiéu vuong
géc d’ ctia no trén (P).

sinp =sin(d, (P)) = —=—=—= (v6iSedva D =dn(P))
¢ Khoang cach tir diém B dén miit phang (P):

A

= >\I

B
d(A,(P)) Al o
4B, (P) ~ BI (v6i I = ABN (P))

Trong d6, dich dén luon la chuyén vé Chan dudng cao ctia khéi chop dé tinh toan
theo hé thitc lugng trong tam gidc vuodng:
1 1 1

22 ®
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@ 3. Phuong phap toa do héa Oxyz

e Goéc gitta hai dudng thiang d;, dy (cé vtep iy, is):

cos(dy, dy) = —|UI 1|

AR

Géc gitta dudng thang d (c6 vtcp @) va mit phang (P) (c6 vtpt 7):

BN

sinp = (v6i 0° < p < 90°)

|- |7i]

gy

Géc giita hai mit phing (P), (Q) (cé vtpt 7y, M):

cosp = |1L1 : n3| (voi 0° < ¢ < 90°)
71| - |7z

Géc nhi dién [P,d,Q]: La goéc tao bdi hai nita mat phang. Gia tri goc nhi dién
0 € [0°;180°).

— Luu y: Néu ta chon hai vecto phap tuyén 7, 7o clia hai mit cing huéng ra
ngoai (hodc cing huéng vao trong) hinh khoi thi géc nhi dién 6 thoéa méan:

1 -1

cos b = —%
|71 - |72

Khoang cach titr M dén mat phang (P):

. |AZL‘M + ByM -+ CZM + D|
VR B 10

d(M, (P))

Khoang cach tir diém M (z;yo; 20) dén dudng thang A (qua A, vtep ):

T
aor. ) — AL

|l
Khoang cach giita hai dudng thang chéo nhau A (M, ;) va Ay(Ms, i)

[, ify] - My My |

—

[t o]

d(Aq,Ay) =

Dién tich tam giac ABC trong khong gian:

Snane = [,

Thé tich khéi t& dien ABCD (ting dung tich hén tap):

Vapep = é ‘ [1@,1@} ﬁ‘

BB Phan II: Trong tam kién thiic nén ting 11 70



1€ Tui liéu on thi DGNL 2027 & GV: Tran Ba Sao

P2 Vi du 1. Phan biét géc giita hai mit phang va géc nhi dién

Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh vuong canh a, SA L (ABCD) va
SA = a\2.

a) Tinh goc ¢ giita duong thang SC va mit phang day (ABCD).
b) Tinh goc gitta hai mat phang (SBD) va (ABCD).
¢) Tinh géc nhi dién [S, BD, C].

P Vi du 2. Khoang céach c6 dién va ky thuat doi diém

Cho hinh chép S.ABC c6 day ABC la tam giac vuong tai B, SA 1 (ABC). Biét
SA=a,AB = a, BC = a\/3.

a) Tinh khodng cach tit chan dudng cao A dén mit phing (SBC).

b) Goi M la trung diém ctia canh AC. Tinh khodng cach tit diém M dén mat phang
(SBC).
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B Vi du 3. Toa do héa hinh hop chit nhat

Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = a, AD = 2a, AA’ = 3a. Bang phuong
phéap toa do hoa, hay tinh:

a) cosin géc gitta hai dudng thang chéo nhau A’'B va B'C.
b) Géc gitta hai mat phang (AB'D’) va (ABCD).

B Vi du 4. Toa do héa hinh chép c6 mat bén vudng géc véi day

Cho hinh chép S.ABCD c¢6 day ABC'D la hinh vudong canh a. Mat bén SAB la tam giac
déu va nam trong mat phang vuong géc v6i mit phang day.

a) Tinh thé tich khéi chop S.ABCD.
b) Tinh khodng cach tit trung diém H clia AB dén mit phang (SCD).
c¢) Tinh géc gitta dudng thang SC va mit phang day (ABCD).
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P Vi du 5. Toa do héa hinh ling tru xién

Cho hinh lang tru ABC.A'B'C’ ¢6 ddy ABC la tam giac déu canh a. Dinh A’ ¢6 hinh
chiéu vuong géc lén mit phang (ABC) trung véi trong tam O clia tam giac ABC. Biét
canh bén AA’ = a. Bang phuong phap toa do héa, hay tinh:

a) Thé tich V ctia khéi lang tru ABC.A’B'C".

b) Géc gnhi dién [B', BC, A.

¢) Khoang cach tit diém A’ dén mat phang (BCC'B').

S, LUYEN TAP TAI LOP

[’ Luyén tap: Hinh hoc khéng gian

I. PHAN TRAC NGHIEM

Cau 1: Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, SA L (ABCD).
Cap dudng thang nao sau day khéng vuong géc véi nhau?

A. BD va SC. B. AB va SD. C. BCva SD. D. AD va SB.

Cau 2: Cho hinh chép S.ABC ¢6 SA L (ABC) va day ABC' la tam giac vuong can tai
B. Khang dinh nao sau day sai?

A. BC L (SAB). B. AB L (SBC). C. SALBC. D. AB L SA.
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Cau 3:

A.

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

.V

V= — B. V= . C. Vv

A.

Cho hinh chép S.ABCD c6 day ABC'D la hinh vuong canh a, SA 1L (ABCD)
vad SA = a. Goc gitta mat phang (SBC) va mit phang ddy (ABCD) bing

30°. B. 45°. C. 60°. D. 90°.

Cho hinh chép S.ABCD c6 ddy ABC'D 1a hinh chit nhat ¢c6 AB = a, AD = a\/3.
Canh bén SA L (ABCD) va SA = a. Khoang cach tit diem A dén mit phang

(SBD) bang
_a\/g‘ B. _a\/g‘ C. av/57 D. a\/ﬁ.

5 2 19 5

Cho hinh lap phuong ABCD.A’B'C'D’ canh a. Khodng cach gitta hai duong
thang chéo nhau AB’ va BC' bang
av/3 av/2

a

Thé tich V ctia khéi chop S.ABC c¢6 day ABC' la tam giac vuong tai B, AB =
a, BC = av/3, canh ben SA | (ABC) va SA = 2a bang
_ a3\/§ a3\/§ 2a3\/§

. B. V=d3 L v=2 D V= .
2 V =a3V/3 Cv6 v3

Gé&n he truc toa do Oxyz vao hinh hop chit nhat ABCD.A'B'C'D’ ¢6 A(0;0;0),
B(2;0;0), D(0;4;0) va A’(0;0;3). Toa do ctia diem C’ 1a

. C'(2;4;3). B. C'(2;4;0). C. C'(0;4;3). D. C'(2;0;3).

Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, SA L (ABCD)
vi SA = av/2. Cosin ctia géc nhi dién [S, BD, A] bing

B V0 c 250

1 V3
2 5 5 2

D.

Cho hinh lang tru ding ABC.A’B'C" ¢6 day ABC' 1a tam giac déu canh a, chiéu
cao AA’ = a\/3. Thé tich ctia khdi lang tru nay bing
3 3 3 3
50 V3 _ D.v="21,
4 4 2 4

Trong khong gian Oxyz, mot hinh chép tam giac déu S.ABC c6 tam day trung
véi goe toa do O(0;0;0), dinh S(0;0;6) va mot dinh day 1a A(2;0;0). Khoang
cach tit tam day O dén mat bén (SAB) bang

61/37 B 3v/37

37 . . 7. C.

w
-

BB Phan II: Trong tam kién thiic nén ting 11

74



& Tai lieu on thi DGNL 2027

& GV: Tran Ba Sao

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

A.

[Trich dé DGNL 2025 - dot 1] Dua vao théng tin sau, tra 15i cac cau
héi 11, 12, 13.

Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat, AB = a, AD = 2a.
SA vuong géc véi mat phang day va SA = av/2.

Thé tich khéi chép S.ABCD la
943 3 3 3
V2 B. L. o B2 . “V0
3 3 3 3
Géc hgp béi gitta SC va mit phang day xap xi bang
. 57,16°. B. 24,09°. C. 37,76°. D. 32,31°.
Khoang cach tit A dén mat phing SBC la
a3 B, W10 o W6 p, W1o
3 5) 3 5)

[Trich dé DGNL 2025 - dgt 2] Dya vao thong tin sau, tra 18i cac cau
héi tir 14 dén 16.

2
Cho tit dien OABC 6 OA,OB,0C doi mot vuong goc. OA = ga; OB =
OC = a.
Chu vi tam giac ABC bang
. (V2+V3+V6)a. B. (V3++6)a.
(V2 + V6)a. D. (vV2+V3)a.
Goc hgp bdi hai mit phang (ABC) va (OBC) la
. 45°. B. 60°. C. 30°. D. 75°.
Goi H 1a hinh chiéu vudéng goc ciia O lén mit phang (ABC). Thé tich khoi tit
dien OABH bang
a3v/2 B a2 c a3v/2 D a2
48 C16 24 36

[Trich dé DGNL 2024 - dgt 1] Cho tit dien ABCD c6 tam giac ABC vuong

tai B, AD 1 (ABC), AB = a, AC = a\/3, BD = a+/5. Thé tich ctia khoi tit

dien ABCD béng

a3\/6 a*v/15 a?’\/é a3\/§
6

. B. C. . D. .
6 4 3

BANG DAP AN TRAC NGHIEM

1.B | 2.B|3.B|4.C |5 A |6.A|7A 8B |9A

10D |11. A|12.D |13.C | 14. C|15. A |16. A |17.D
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II. PHAN TU LUAN

Bai 1: Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, SA L (ABCD)
va SA = a/3. Hay tinh goc gitta dusng thing SD va mat phang (SAC).

Bai 2: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi canh a, goc BAD = 120°.
Biét hai mat bén (SAB) va (SAD) cung vuong goc véi déy, va canh ben SC' = 2a.
Tinh khoang cach tit diém A dén mat phang (SBC).

Bai 3: Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Goi M la trung diém cta CC'.
Tinh khodng cach gitta hai dudng thang chéo nhau A’B va DM.

Bai 4: Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a. Canh bén SA L
(ABC) va SA = a. Goi G la trong tam cta tam giac ABC. Tinh khodng cach
tit diem G dén mat phang (SBC).

Bai 5: Cho hinh lang tru dimg ABC.A'B'C" ¢6 ddy ABC' la tam giac vudng can tai B,
AB = a. Canh bén AA’ = a+/2. Tinh thé tich khéi lang tru vi goc gitta hai mat
phang (A'BC) va (ABO).

Bai 6: Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat véi AB = a, AD = aV/2.
Canh bén SA L (ABCOD) va SA = a. Hay thiét 1ap he truc toa do Ozyz dé tinh
khoang cach giita hai duong théng chéo nhau SB va AC.

Bai 7: Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a. Mat bén SAD
la tam giac déu va vuong goc véi day (ABCD). Tinh thé tich khéi chop va géc
gitta mat ben (SBC) va mat phang déy.

Bai 8: Cho hinh lang tru tam giac déu ABC.A'B'C’ ¢6 tat ca cac canh déu bang a. Hay
tinh khoang cach tit diém A dén mit phang (A’BC) bing phuong phap toa do
hoa.

Bai 9: Cho tt dien OABC ¢6 ba canh OA,OB,0C déi mot vuong goc tai O. Biét
OA = OB = OC = a. Goi M la trung diém ctia BC. Tinh géc giita hai duong
thing OM va AB.

Bai 10: Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, SA L (ABCD)
va SA = ay/3. Mot mat phéng (P) di qua A va vuong goc véi SC, cit cac canh
SB,SC,SD lan lugt tai B',C’, D'. Tinh thé tich ctia khéi da dien S.AB'C'D'.
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A BAI TAP VE NHA TU LUYEN

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

A,

I. PHAN TRAC NGHIEM KHACH QUAN

Cho hinh chép S.ABC ¢6 SA L (ABC) va day ABC' la tam giac vuong tai B.
Khang dinh nao sau day la khang dinh ding vé méi quan hé vuong goc?

BC 1 SB. B. BC 1L SC. C. AB 1 SC. D. AC L SB.

Cho t1t dien déu ABCD canh a. Khang dinh nao sau day luon ding?
AB 1L CD. B. AB 1 BC.

. AC L BD. D. Ca A va C deu dung,.

Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, SA 1 (ABCD)
vad SA = a. Géc gitta duong thang SB va mat phang diay (ABCD) bang

30°. B. 45°. C. 60°. D. 90°.
Cho hinh chép S.ABC ¢6 day ABC' la tam giac vuodng can tai B, AB = a,
SA L (ABC) va SA = ay/3. Géc gitta duong thing SB va mat phing day bing
60°. B. 30°. C. 45°. D. 90°.

Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat tam O, canh AB =
a,AD = a+/3. Duong thing SA vuong géc véi mit phing day va SA = a.
Khoang cach tit diéem S dén diém C bing

av/s. B. aV3. C. 2a. D. av2.

Cho hinh lap phuong ABCD.A’B'C'D’ ¢6 canh bang a. Khoang cach gitta hai
mit phang song song (ABCD) va (A'B'C'D’) béng

a. B. av2. C. aV3. D. 2a.

Cho hinh chép S.ABC' ¢6 day ABC la tam giac déu canh a, SA 1 (ABC) va
SA = a. Thé tich V ctia khéi chép S.ABC bing

3 3 3 3
a4 \/g' B. ¢ \/g- c. L D. 2 \/g.
12 A 3 6

Thé tich V clia khdi lang tru ditng tam giac ABC.A'B'C’ ¢6 ddy ABC vuong
tai A, AB = a, AC' = a+/2 va chiéu cao AA’ = 3a biang
3a3v/2 a3v/2

5 B. a3v2. C. 5 D. 3a3v/2.

Thiét lap he truc toa do Oxyz gan vao hinh chép S.ABCD c6 day 1a hinh vuong
ABCD canh 2 don vi, SA L (ABCD) va SA = 3 don vi. Chon A = O(0;0;0),
AB nam trén tia Oz, AD nam trén tia Oy, AS nam trén tia Oz. Toa do trong
tam G cua tam giac SBC' 1a
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2 4 2 2 2
A. 1;=;1). B. . . 1;1;1). D. :

Cau 10: Cho hinh lap phuong ABCD.A’B'C'D’ canh bang 1. Truc toa do gan sao cho
A(0;0;0), B(1;0;0), D(0;1;0), A’(0; 0; 1). Khoadng cach tit diém A dén mat phang
(A'BD) bang

) B V2
3 2

C. D. V3.

1

3

Cau 11: Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, SA L (ABCD)
vi, SA = a/6. Goc gitta duong thing SC v mit phing déay (ABCD) cé gia tri
1a a. Gia tri clia tan o bang

A. V3. B. V2. C. 1. D. ?

Cau 12: Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Cosin ctia goc gitta hai dudng
thang chéo nhau A’B va B'C bing
V2 V3

A.0,5. B. 0. C. —. D. —.
’ 2 2

Cau 13: Cho hinh chép S.ABC ¢6 day ABC la tam giac vuong tai A, AB = a, AC' = aV/3.
Canh bén SA 1 (ABC) va SA = 2a. Khodng cach tit diem A dén mat phang
(SBC) béng

2a+/39 B a3 2a+/3 D av/39

3 e C.3. 3

Cau 14: Thé tich ctia khéi chop tii giac déu cé tat ca cac canh (bao gom ca canh déy va
canh bén) déu bang a la

3 3 3 3
a’v2 B v 2V2 oy TV2 D. V=2

A V= . = . . = .
v 6 2 12 3

Cau 15: Cho hinh chép S.ABCD c6 déy 1a hinh thoi canh a, goc BAD = 60°. Canh bén
SA 1 (ABCD) va SA = a. Thé tich khéi chop S.ABCD bing

3 3 3 3
R 'L SO (AL D. V=1

A. = . = . . = .
v 6 2 12

Cau 16: Trong phuong phap toa do hoéa, néu day 1a tam gidc déu ABC canh a, ta nén
chon gbc toa do O trung véi trung diém H cia BC. Khi dé, néu truc Ox chia
tia HC' thi toa do ctua dinh A 1a

A. A( a\z/_ 0) B. A( ‘f;o;o).c. A(o;o;aT‘/g> D. A(a’ a\QF )

Cau 17: Cho hinh chép S.ABC c6 day ABC la tam giac vuong tai B, BA = a, BC = a.
Canh bén SA L (ABC) va SA = a. Khoang cach giita hai duong thing chéo
nhau SB va AC bang
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) B 22 c.a D. 2
3 2 2
Cau 18: Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh a, SA L (ABCD)
va SA = a. Cosin ctia géc nhi dién [S, BD, A] (gbc gitta mat bén (SBD) va mat
dédy (ABCD)) la

A Y3 B YO o V2 D. L.
3 3 2 2
Cau 19: Tinh thé tich khéi chop tit gidc S.ABCD c6 day ABCD la hinh thang vuong tai
Ava B. Biét AB = BC = a, AD = 2a. Canh bén SA | (ABCD) va SA = a\/2:
3a%v/2

3 3
A.v_“;/é. B.V_ag/g. C. V=do. D. V===

Cau 20: Cho hinh hop cht nhat ABCD.A'B'C'D" ¢6 AB = a,AD = 2a,AA’ = 3a.
Khoang cach tit diem A dén duong chéo B'D ciia hinh hop bing

av/'14 3a+/14 3av13 6av13
A. . B. . C. ) D. .
14 14 V14 V14

[Trich dé@ DGNL 2026 - dgt 1] Dya vao théng tin dudi day dé tra 15i
cac cau tir 21 dén cau 23

Cho hinh chép S.ABCD c6 ABCD la hinh vuong canh a. Tam giac SAB déu
va ndm trong mit phang vuong géc véi mit phang day. Goi O la giao diém ctia
AC va BD, H la trung diém canh AB, N la trung diém canh AD.

Cau 21: Hinh chiéu vuong géc ctia S lén mit phang day la

A. O. B. A C. H. D. N.

Cau 22: Khang dinh nao sau day la sai?

A. d(D,(SAC)) = d(H, (SAC)). B. d(D,(SAC)) = d(B, (SAC)).

3./3 3
C. Vapep — ag[. D. SH = “2 .

Cau 23: Khoang cach tit D dén mit phang (SAC) biang

av21 Ba\/§ Ca\/ﬁ Da\/%
" L TR TR

[Trich dé DGNL 2026 - dgt 2] Dya vao thong tin sau, tra 18i cac cau
hoi 24, 25, 26.

Cho hinh chép S.ABC ¢6 SA L (day). Biét AABC can tai A, dudng trung
tuyén AD = a. Goc gitta SB va mat phéng day bang 45°, géc giita mat phéng
(SAD) va mat phang day bang 30°.

Cau 24: Goc tao boi SB va day la
A. ASB. B. SBA. C. SAB. D. SAD.
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Cau 25: S6 do SCD = bing

A, 45°. B. 60°. C. 90°. D. 30°.

Cau 26: Thé tich khéi chop Vi ape 1a

3
5
A. agf. B. 30\/2. C. a3\/2. D. ©

BANG DAP AN TRAC NGHIEM

1.A | 2.D | 3.B |4 A |5 A |6.A|T7A|8A|9.B |10 A
11. A |12. A | 13. A |14. A |15. A |16. A |17. A |18. A |19. A | 20. C
21.C | 22. A |23. A |24.B|25.B|26.D

1. PHAN TU LUAN

Bai 1: Cho hinh chép S.ABC c6 ddy ABC la tam gidc déu canh a. Chan dudng cao xuat
phat tit dinh S tring véi trung diém H ctia canh AB. Biét canh ben SC = av/2.
Hay tinh thé tich khéi chop S.ABC.

Bai 2: Cho hinh ch6ép S.ABCD c¢6 déy la hinh vudng canh a. Canh bén SA 1 (ABCD)
va SA = a. Hay tinh goc gitta mit phang (SCD) va mit phang day (ABCD)
bang phuong phap hinh hoc ¢6 dién.

Bai 3: Cho hinh lang tru diing ABC.A’B'C’ ¢6 day ABC' la tam giac vudng can tai B,
AC = a/2. Biét thé tich ctia khéi lang tru bang 2a¢®. Hay tinh chiéu cao ctia khéi
lang tru nay.

Bai 4: Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh biang 2. Hay thiét 1ap heé truc toa
do Ozyz phit hop dé tim toa do tat cd 8 dinh va tinh khoang cach tit diéem C’
dén mat phiang (A'BD).

Bai 5: Cho hinh chép S.ABCD c6 day ABC'D la hinh chit nhat, AB = a, AD = 2a.
Canh bén SA vuong géc véi mat phang day v SA = a. Bing phuong phap toa
do hoa, hay tinh khoang cach gitta hai dudng thang chéo nhau SB va CD.

Bai 6: Cho hinh chop S.ABC' c¢6 day ABC' la tam giac can tai A, AB = AC = a, goc
BAC = 120°. Canh ben SA 1 (ABC) va SA = a. Hay gan truc toa do (goi y lay
gbc tai trung diém BC hodc tit dinh A) dé tinh géc gitta hai mat phang (SBC)
va (ABC).

Bai 7: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi canh a, BAD = 60°. Biét
hai mat phang (SAB) va (SAD) ciing vudng goc véi day, va goc giita canh bén
SC v6i day bang 60°. Hay tinh thé tich khéi chop S.ABCD.

Bai 8: Cho tit dien OABC c¢6 ba canh OA,OB,OC doi mot vuong goc tai O. Biét
OA = a,0B = 2a,0C = 3a. Hay tinh khoang cach tit diem O dén mait phéng
(ABC).
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CHUYEN DE 6: THONG KE VA PHAN TiCH SO LIEU

@ 1. Phan biét Théng ké Khong ghép nhém va Ghép nhém

D@ gitip hoc sinh khong bi nham 1an va hiéu 6 ban chat, chiing ta can phan biét ré hai
loai hinh di liéu nay:

Tiéu chi so | Théng ké Khong ghép nhém | Théng ké Ghép nhém (Lép
sanh (Lép 10) 11)

Ban chat dit | Dit lieu 15i rac, cac gia tri bién | D@t licu lien tuc (chiéu cao, thoi
liéu thién it, ¢d mau thuong nho. gian, thu nhap...) hodc ¢ mau rat

16n.

Céach biéu dién

M&bi gia tri z; di kém v6i mot tan
s6 n; cu the.

Cac gia tri dugc gom vao
cac khoang hodc nita khoang

[um§ um—l—l)'

Tinh chinh | Cac s6 dic trung (Trung binh, | Cdc s6 dic trung chi mang tinh
xac Trung vi, M6t) tinh ra 1a "chinh | chat "xap xi (wdc lugng)"dya trén
xac tuyet doi". gia tri dai dien.

Gia tri dai | Chinh la gia tri z; cia nhom. La trung diém cta khoang:

dién O, = YUl

@ 2. Hé théng cong thitc Théng ké Khong ghép nhém (Lép 10)

Cho bang tan s6 v6i cac gia tri a1, o, . .

mau la n =ny +ng + -+ + ny.

e Sb trung binh (z): 7 =

., T va tan sb6 tuong dng ny, na, . .

., ng. Tong s6

N1T1 + NoZo + -+ - + NIk

n

e Trung vi (M.): Sap xép s6 lieu theo thit tu khong gidm.

— Co6 mau n 1é: M, la gia tri ding 6 vi tri thi

n+1

~ ~ . ., . -, 2, . 7 Z, n N
— C6 mau n chan: M, la trung binh cdng ctia hai gia tri ding & vi tri thi 5 va

n
= 4r 1
2+

e Tw phan vi (Q1,Q2,Q3): Q2 = M,.. Q; 1a trung vi clia nita s6 ligu bén trai Q.
Q3 1 trung vi clia nita s6 lieu bén phai Qs.

e Phuong sai (s?) va D léch chuan (s): Do mitc do phan tan ciia s6 lieu.

k k
1 21 2 2 /2
_——E i\ — )" = — g iy | — = s=Vs?
n 2 n;(x; — T) - <i21 n:ch) iy s s
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@ 3. Hé théng cong thitc Théng ké Ghép nhém (Lép 11)

Khi tinh toan dit lieu ghép nhém, moi cong thitc déu phai tim **khoang chita chita dai
luong can tinh** trude.

e Sb trung binh uéc lugng (z): Tinh gia tri dai dién ¢; = % cho moi nhom.

Nnicy + NoCo + -+ - + NpCg
n

T =
e Trung vi uéc lugng (M. ): Gia st M, thuoc nhom [ty,; Uy,11) (nhém dau tien c6
. n
tan so tich lay > 5)

5 —(m+mng+ -+ 1)
N

. (uerl - um)

e M6t wéc lugng (M,): Gid sit nhom [y, Un,q1) ¢ tan s6 16n nhat n,,.

Ny — Mim—1

M, =up +
(nm - nmfl) + (nm — N1

) ’ (um-i-l - um)

@ 4. Chién lugc x1t 1y bai toan Phan tich sb liéu thuc té (Doc biéu do)

D@ gidi quyét cu thé cum 6 cau héi phan tich s6 liéu trong dé thi, hoc sinh can tuan thu
3 nguyén tac:

e Doc ky chi giai va don vi: Ldi pho bién nhat 1a nham 1an don vi (vi du: trieu
nguoi, % hoac ti dong).

e Phan biét téc do tang trudng va gia tri tuyét déi: Biéu do duong thé hien
téc do (%) khéac v6i biéu do cot thé hien san lugng cu thé.

e Ky nang tinh toan nhanh: Tan suat xuat hién cac cau héi lien quan dén: Ti le
phan tram tang/gidm, trung binh cong giai doan, dy béo xu hudéng.

P Vi du 1. Théng ké khong ghép nhém

Diém s6 bai kiém tra dinh ky mon Toan clia mot nhém 10 hoc sinh duge ghi lai nhu sau:
6; 7: 7; 8; 8; 8, 9; 9; 10; 10. Hay tinh s6 trung binh, trung vi, tit phan vi, phuong sai va
do lech chuan ctia mau s6 liéu nay.
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P’ Vi du 2. Théng ké ghép nhém

Khéo sat thoi gian tir hoc tai nha trong mot tuan ciia 40 hoc sinh 16p 11 thu duge bang
s lidu sau:

Thoi gian (gid) | [0;4) | [4;8) | [8;12) | [12;16)
S6 hoc sinh (n;) | 5 12 18 5

Hay tinh thoi gian ty hoc trung binh uéc lugng, M6t, tit phan vi, phuong sai va do léch
chuan ctia mau s6 lieu ghép nhém nay.

P Vi du 3. Phan tich bang sb liéu thuc té

Dé bai: Dya vao bang sb lieu vé Doanh thu va Lgi nhuan sau thué ctia Cong ty X giai
doan 2021 - 2024 dudi day dé tra 15i cum 6 cau héi trac nghiém lien tiép (Mo phéng dé
thi Danh gia nang luc):

Nam 2021 | 2022 | 2023 | 2024
Doanh thu (Ty déng) 120 | 150 | 180 | 200
Lgi nhuan sau thué (Ty dong) | 12 18 27 28

1. Doanh thu ciia cong ty nam 2023 tang bao nhiéu phan tram so véi nam 20217

2. Loi nhuan sau thué ciia cong ty nam 2021 gidm bao nhiéu phan tram so v6i nam
20247

3. Bien lgi nhuan (L¢i nhuan / Doanh thu) clia cong ty dat gia tri cao nhat vao nam
nao?

4. Téc do tang trudéng lgi nhuan clia nam nao so véi nam truée dé la 16n nhat?
5. Tong doanh thu clia toan giai doan 2021 - 2024 1a bao nhiéu ty dong?

6. Néu doanh thu nam 2025 ting 10% so v6i nam 2024, doanh thu du kién nam 2025
la bao nhiéu?

7. Loi nhuéan trung binh mdi nam cta cong ty trong giai doan nay la bao nhiéu ty
dong?
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S, LUYEN TAP TAI LGP

[#’ Luyén tap: Théng ké va phan tich sb lieu

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

A.

I. THONG KE

Khéo sat s6 diém kiém tra dinh k¥ mon Toan ctia mot nhém hoc sinh, ta thu
duge bang tan s6 sau day:

Diém sb (7;) 678
S6 hoc sinh (n;)

Cap s6 dac trung (Trung vi M,; M6t M,) ctia mau s6 lieu nay lan lugt 1a

(7,5;8). B. (7;8). C. (8;7,5). D. (7,5;7).

Cho bang phan bd tan s6 ghi nhan veé s6 16i chinh t& trong mot bai tap lam vin
cua 11 hoc sinh trong 16p:

S616ichinhta |4 |56 |78

S6 hoc sinh

Cap gia tri t@ phan vi thit nhat @, va thit ba Q3 clia mau s6 licu thong ké trén
la

(5;7). B. (4;7). C. (5;6). D. (6;7).

Khio sat tudi tho cia mot nhom linh kién dien ti (don vi tinh: thang) chay thit
nghiém thu duge bang s6 lieu ghép nhom:

Tudi tho (thang) | [0;10) | [10;20) | [20;30) | [30; 40)
S6 linh kién (n;) 4 8 12 6

Gia tri M6t ude lugng M, ctia mau sb lieu ghép nhéom nay biang

24 thang. B. 25 thang. C. 22 thang. D. 26 thang.

Khi tinh toadn cic s6 dic trung do xu thé trung tam ciia mot mau sb lieu lien
tuc duge cho dudi dang ghép nhom, gid tri nao sau day duge chon lam dai dién
cho nhém [a; b)?

a+b

a. B. b. C. 5 D. b—a.

Khao sat s6 gio ngt trung binh méi dém clia mot nhém sinh vien thu dugc
phuong sai ctia mau s6 lidu 1a s? = 2,25. Do lech chuan s (do mitc do phan tan)
clia mau s6 lieu nay bang

1,5. B. 2,25. C. 0,5. D. 1,25.
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Cau 6: Trong cac s6 dic trung do xu thé trung tam ctia thong ké khong ghép nhom, dai
lugng nao c6 nhuge diém 16n nhat 1a dé bi anh hudng va sai léch bdi cac gia tri
di biét (qua 16n hodc qué nho)?

A. S6 trung binh. B. Trung vi. C. Mobt. D. Tt phan vi.

Cau 7: Mot doanh nghiép c6 doanh thu thang 1 14 50 triéu dong, thang 2 do ap dung
chién dich Marketing méi nén doanh thu tang lén dat 80 trieu dong. Héi doanh
thu thang 2 da tang truéng bao nhiéu phan tram so v6i thang 17

A. 60%. B. 30%. C. 40%. D. 50%.

Cau 8: Cho mau sb lieu ghép nhém c6 tong tan s6 (cd mau) 1a n = 60. Nhom chia tit
phan vi thit nhat @Q; sé la nhém dau tién tinh tit trai sang phai c6 tan so tich
liiy dat gia tri t6i thiéu la bao nhieu?

A. 15. B. 30. C. 45. D. 10.

Cau 9: San lugng xuat khau gao ctia mot tinh trong 3 nam lien tiép lan lugt duge ghi
nhan la: 2,0; 2,2; 2,42 (triéu tan). Téc do tang trudng san lugng xuat khau déu
dan moi nam trong giai doan nay 1a

A 10%. B. 20%. C. 5%. D. 12%.

Cau 10: Diém s6 ctia hoc sinh 16p 11A c6 do lech chuan la s; = 0,4, diém s6 ctia hoc
sinh 16p 11B ¢6 do lech chuan 1a s, = 1,6 (hai 16p c6 cting diém trung binh).
Phat bién ndo sau day phan anh dung thyc té?

Hoc Iyic 16p 11B dong déu hon 16p 11A.

Hoc Iiic 16p 11A dong déu hon 16p 11B.

Diém s6 16p 11A phan tan rong hon 16p 11B.

oow

Hai 16p c¢6 do dong déu nhu nhau.

BANG DAP AN BAI TAP TRAC NGHIEM PHAN THONG KE

1. A|2.A|3.A/4.C|5 A|6.A|7T.A|8 A |9.A/10.B

1. PHAN TicH SO LIEU

[Trich dé DGNL 2025 - dgt 1] Dya vao théng tin sau, tra 18i cac cau héi tir 1
dén 3.

Hai biéu do dudi day thé hien ty trong san lugng dién san xuit trong cac nam 2005 va
2015.

Tong san lwgng dién nim 2005 Tong san lrgng dién nim 2015

Thuy dién
Than da 31 ,620/0

45,65%

Khi dbt
33,80%
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Tong san lugng dién tit cAc nguon trén vao nam 2005 va 2015 lan lugt 1a 40,7 t kWh va
143, 3 tf kWh.

Cau 1: Trong giai doan 2005-2015, san lugng dién tiur thiy dién ndam 2015 da tang bao
nhiéu phan tram so véi tong san lugng dién ctia nam 20057

A. 125,67%. B. 120,54%. C. 97,35%. D. 105,23%.

Cau 2: Trong giai doan 20052015, san lugng dién tit nguon nao tang nhiéu nhat so véi
tong san lugng nam 20057

>

Thuy dién. B. Khi dot.
C. Than da. D. Chua du thong tin dé két luan.

Cau 3: Tong san luong dien nam 2015 tang 11,44%, nhung san lugng thity dien lai giam
4,80% so v6i nam 2014. Hay tinh ti trong san lugng thily dién so vé6i tong san
lugng dién nam 2014.

A. 61,01%. B. 48,23%. C. 39,38%. D. 42,88%.

[Trich dé DGNL 2025 - dgt 1] Dya vao thong tin duéi day dé tra loi
cac cau hoi tir 4 dén 6

Béang s6 lieu dudi day thé hien s6 lugng sinh vien nhap hoc tai truong A. Vao
nam 2014, s6 sinh vien nganh Cong nghé Thong tin (CNTT) bang 80% tong sb
sinh vién nganh nay ciia 2 nam trude, trong khi s6 sinh vién nganh Y sinh ting
20% so v6i nam trude.

Nganh/Nam 2012 2013 2014
Su pham 150 - 250
CNTT 500 850 -
Kinh té 250 - 600
Y sinh 225 375 -

Cau 4: Dén cudi hoc ky 1 nam 2012, ty 1é sinh vién thoi hoc clia cac nganh Su pham,
CNTT va Y Sinh lan lugt 1a 8%, 10% va 12%. Riéng nganh Kinh té khong c6
sinh vién nao thoi hoc. Ti & thoi hoc cia toan truong nam 2012 xap xi bang
bao nhiéu?

A. 30%. B. 12%. C. 8%. D. 10%.

Cau 5: Nam 2013, sb sinh vién nganh Kinh té nhap hoc tang 80% so v6i nam 2012, va
ti lé sinh vien nganh Kinh té so v6i toan truong dat 7t Vay, tong sb sinh vién

nhap hoc nam 2013 ting bao nhiéu phan tram so véi nam 20127

A. 96,7%. B. 86,7%. C. 76,7%. D. 66,7%.
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Cau 6: Téng s6 sinh vién nhap hoc nam 2014 tang bao nhiéu phan tram so véi nam
20127

A 95%. B. 145%. C. 112%. D. 103%.
[Trich dé DGNL 2025 - dot 2] Dya vao thong tin sau, tra 18i cac cau
hoi tir 7 dén 9.
Cho bang diém ctia 5 16p. Néu diém thap hon 5 sé r6t mon, tit 5 diém tré len sé

qua mon.
Lép Dudi 5 diém 5-8 diém Trén 8 diém
1 28 72 24
2 15 68 36
3 18 52 28
4 29 58 47
5 30 60 35

Cau 7: Tong s6 sinh vién ctia 5 16p ¢6 bao nhiéu phan tram rét mon?

A. 18,8%. B. 20%. C. 15,6%. D. 21,2%.

Cau 8: Trong s6 cac sinh vién trén 8 diém c6 20% sinh vien dat diém 10. Ti lé sinh vien
dat diém 10 ctia 5 16p la:

A 7,9%. B. 7,16%. C. 5,67%. D. 20%.

Cau 9: Trong I6p ma ti lé sinh vién r6t mon nhiéu nhat, 1 s6 ban da phiic khao va qua
mon nén 16p d6 khong con 1a 16p c6 ti lé r6t mon nhiéu nhat. C6 it nhat bao
nhiéu ban ting diém va qua moén sau khi phic khao?

A4 B. L C. 2. D. 3.

[Trich dé@ DGNL 2025 - dgt 2] Dya vao théng tin sau, tra 13i cac cau
héi tir 10 dén 12.

S6 v6 ban ra (don vi: nghin cuén) trong nam 2023 va 2024 ctia 6 cong ty 1, 2,
3, 4, 5, 6 dugc thong ké nhu sau:

129 110

105 L
100 95, 95 95
85
80 80

75 75, .
80 70

60
40

20

Congtyl Congty 2 Congty 3 Congty 4 Congty 5 Congty 6

®mNdm 2023 ON3am 2024
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Cau 10: Tong s6 vé (nghin cudn) trong 2 nam ciia cic cong ty 1, 3, 5 la:

A. 250. B. 560. C. 310. D. 435.

Cau 11: Ti lé tong s6 vé ban trong 2 nam clia cong ty 2 so véi cong ty 4 1a
A. 3:5. B. 7:9. C. 4:5. D. 2:3.
Cau 12: Trong nam 2023, gia ban vé cua cong ty 5 va 6 nhu nhau. Trong nam 2024, cong

ty 5 tang 10%, cong ty 6 tang 15% so vdi gia nam 2023. Ti 1é doanh thu cong
ty 5 v6i cong ty 6 trong ca 2 nam la:

A. 113,5%. B. 88%. C. 110,8%. D. 90,3%.

[Trich d&@ DGNL 2026 - dgt 1] Dua vao doan théng tin sau tra 15i tir
cau 13 dén cau 15

Béang sau thé hién san lugng mia ciia mot cong ty mia cé 6 nong trusng M, N,
P, Q, R, S.

2016 150 75 58 48 49 32
2017 137 68 67 61 45 28
2018 160 65 82 59 46 37
2019 168 70 45 75 43 35
2020 180 55 80 67 47 28

Cau 13: Trong giai doan 2016-2020, nam nao c6 tong san lugng cao nhat?

A. 2016. B. 2018. C. 2019. D. 2020.

Cau 14: Tong san luong clia cong ty nam 2020 ting bao nhiéu phan tram so véi nam
20167

A. %. B. 9,1%. C. 10,9%. D. 13,3%.

Cau 15: Tit nam 2016 dén 2020, nong truong nao ty 1é san lugng tang cao nhat?

A. M. B. S. C. Q. D. P.
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[Trich dé@ DGNL 2026 - dgt 1] Dua vao doan théng tin sau tra 15i tir
cau 16 dén cau 18

Biéu do duéi day cho biét gia tri xuat nhap khau ctia cong ty X trong giai doan
tir 1995-2000 (don vi: trieu USD).

Biéu do gia tri xuat nhap khau giai doan cong ty X 1995-2000
(don vi: triéu USD)

700

610

600
200 -
400 -

300 |

Trieu USD

200

100

0
1995 1996 1997 1998 1999 2000

Cau 16: Trong cac nam 1995, 1996, 1998, 1999, nam nao c6 do chénh léch gitta gia tri
xuat khau va nhap khau 16n nhat?

A. 1995. B. 1996. C. 1998. D. 1999.

Cau 17: Tong tri gia xuat khau trong nam 1999 xap xi bao nhiéu phan tram tong tri gia
hang nhap khau trong cac nam 1997, 1998 va 19997

A. 33%. B. 35%. C. 47,5%. D. 49%.

Cau 18: Trong cac nam tit 1996 dén 1999, tong tri gia xuat - nhap khau clia ndm nao cé
ty lé phan tram tang nhiéu nhat so v6i nam truée d6?

A. 1996. B. 1997. C. 1998. D. 1999.

BANG DAP AN BAI TAP TRAC NGHIEM PHAN PHAN TiCH SO LIEU

1.C | 2. A 3D |4.C |5 B |6.C|7.B|8C | 9.C|10.B
11.B|12.C |13.D |14.C |15.C |16.D | 17.D | 18. B
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A BAI TAP VE NHA TU LUYEN

Cau 1: Dé khao sat mic do 6n dinh clia mot may gia cong tu dong, k¥ thuat vien do
duong kinh sai lech ctia 10 san pham (don vi: um) va lap bang tan so:

Sai lach dudng kinh (z;) | 10 | 20 | 30
S6 lugng san pham (n;) | 2 | 6 | 2

Phuong sai s? (do do phan tan sb lieu) ctia mau s6 ligu trén bang

A. 40. B. 20. C. 10. D. 30.

Cau 2: Khéo sat s6 ngay nghi phép trong nam ctia mot nhém 13 nhan vién tai mot cong
ty, ta thu dudce bang sb licu sau:

S6 ngay nghi phép 0[1/123]4
S6 nhan vién tuong tng | 2 | 3

Khoang tit phan vi Ag = @3 — @1 clia mau s6 lieu khong ghép nhom nay 1a
A. 2. B. 3. C. 1 D. 4.

Cau 3: Thoi gian chay cuy ly 100m ctia mot nhom 40 hoc sinh duge ghi lai trong bang
ghép nhém duédi day:

Thoi gian chay (giay) | [0;4) | [4;8) | [8;12) | [12;16)
S6 hoc sinh (n;) 5 11 16 8

Gia tri trung vi udc lugng M, clia mau s6 lieu ghép nhém nay 1a

A9 B. 8,5. C. 9,5. D. 10.

Cau 4: Mot cudc khéo sat vé s tien (don vi: nghin dong) ma 40 khach hang chi tréa tai
mot quan cd phé thu duge bang sb lieu:

S6 tién chi tra [10;20) | [20;30) | [30;40) | [40;50)
S6 lugng khach hang 6 8 18 8

T phan vi thit nhat uée luong Q1 ctia mau s6 lieu ghép nhém nay 1a

A. 25. B. 24. C. 26. D. 22,5.

Cau 5: Thong ké ning suat lta (don vi: tan/ha) ciia 50 hop tac xa trong mot tinh duge
biéu dién qua bang ghép nhém sau:

Niang suat lia (tan/ha) | [4;5) | [5;6) | [6;7) | [7;8)
Sé hop tac xa 5 20 15 10
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

N#ng suat lda trung binh uéc lugng 7 clia toan tinh dat:

. 6,1 tan/ha. B. 6,2 tan/ha. C. 6,0 tan/ha. D. 6,3 tan/ha.

Ngudi ta tién hanh khao sat diém s6 danh gia mitc do hai long ctia khach hang
(thang diém tit 1 dén 5) d6i véi san pham ciia hai co s§ san xuat May A va May
B thu dugc bang s6 lieu:

Piém sb danh gia 11213 14/5
S6 khach hang May A | 2| 5| 10
S6 khach hang May B | 1|3 |12 (3|1

Tinh toan diém s6 danh gia trung binh va cho biét diém trung binh ciia san
pham May B 16n hon san pham May A 1 bao nhiéu?

. 0,25. B. 0,50. C. 0,15. D. 0,30.

[Trich dé@ DGNL 2026 - dgt 2] Dya vao doan théng tin sau tra 15i ti
cau 7 dén cau 9

Cho biéu do:

NHOM NGANH KHAC Khai khoang
25% 25%
Cap nudc va
HBQL xir Iy S
1ic thai CHE BIEN CHE TAO
20% 30%

S6 luong lao dong trong ché bién ché tao chiém nhiéu hon bao nhiéu % so véi
khai khoang?

15%. B. 10%. C. 5%. D. 20%.
Trong nhém nganh khac, nganh san xuat va phan phdi dien chiém 20%. Ty lé

ngudi lao dong san xuat & phan phdi dién so véi ngudi lao dong ché bién ché
tao la

1:3. B. 1:6. C. 1:5. D. 1:2.

Trong nam 2015 do lao dong nganh khai khoang chuyén sang nén sb lao dong
ché bién ché tao tang 10%. S6 lao dong nganh khai khoang gidm bao nhieu %?

6%. B. 3%. C. 9%. D. 12%.
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[Trich dé DGNL 2026 - dgt 2] Duwa vao doan thong tin sau tra 15i ti

cau 10 dén cau 12

Cho bang s6 lieu tong hop:

Nim Ty IR LN C.ty A | Chiphi C.ty A | ChiphiC.ty B | T I¢ LN C.ty B
(%) (ty) (ty) (%)

2014 16,5 15,4 15,2 20,1

2015 17,2 16,2 17,3 22.1

2016 19,6 18,5 16,3 20,3

2017 20,1 193 18.5 254

2018 223 224 20,2 233

2019 234 24,2 22,1 24,6

Cau 10: Doanh thu ctia cong ty A nam 2014 1a

A. 195 t§ dong. B. 16,1 tj ddng. C. 18,2 t§ dong. D. 21,3 t dong.

Cau 11: Cheénh lech vé 1gi nhuan gitta cong ty A va B nam 2019 1a

A. 215 triéu dong. B. 182 trieu dong. C. 153 trieu dong. D. 100 trieu dong .

Cau 12: Giai doan 2014-2019 chi phi cong ty A xap xi bao nhiéu phan tram so véi doanh

thu?
A. 76%. B. 79%. C. 73%. D. 82%.
BANG DAP AN BAI TAP TRAC NGHIEM:
1.A|2.A|[3.A|4 A|5.A|6.A|7.D|8B|9.D|10. A|[11.B|12. B
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CHUYEN DE 7: PAO HAM

i= DANG 1. CAC CONG THUC DPAO HAM

@ 1. Bang hé théng cong thic dao ham day du

DPao ham ham so6 so cap

Dao ham ham hgp u = u(x)

1. Ham s6 da thiic, pha

n thic, can thic, mu

(¢) =0 (c 1a hang s6)

() =1

(l,n)l =n - xn—l

!
r) a2

2. Ham sb lugng giac

(sinz)" = cosx

(sinu) =’ - cosu

(cosz) = —sinx (cosu) = —u' - sinu
u/
tanz)’ = = 1+ tan® tan u)’ =
(tan ) cos?x At (tanu) cos? u
(cotz) = ——5— = —(1 + cot®z) (cotu) = — -UQ
SIN- .r SN~ U

3. Quy tic dao ham nhanh phan thic

ar +b /_ ad — bc
(cx+d> ~ (cx +d)?
az’ +br + ¢\ ada® 4 2aex + (be — cd)
( dx +e )_ (dx +e)?

@ 2. Cac quy tic tinh dao ham cd ban

Cho u = u(z) va v = v(x) la cac ham s6 c6 dao ham, ta co:

e Dao ham ciia tong, hicu: (u+v) =o' £/

e Dao ham cta tich: (u-v) = u'v +w’

, w\’' uv—uv
e Dao ham cua thuong: (—) = —
v

— M6 rong: (k-u) =k-u (véi k € R).

(v6i v(z) # 0).
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P Vi du 1. Tinh dao ham ham hdp bac cao

Tinh dao ham clia ham s6 y = (23 — 222 + 3)°.

P Vi du 2. Tinh dao ham phan thic chia cin

2 1
’ +1 trén khoang (1; +o00).

Tinh dao ham ctia ham s6 y =

S, LUYEN TAP TAI LGP

[#' Luyén tap: Tinh dao ham

I. PHAN TRAC NGHIEM

Cau 1: [Trich dé DGNL 2025 - dgt 2] Cho ham s6 f(x) = 2° — 922 + 242 +m. Dao
ham ctia ham s6 tai diém z = 1 bing

A 9+m. B. 9. C. 3. D. 3+m.
~ - N 2 N A 2‘/1/‘ - 3 ~ 7 4 z .
Cau 2: Tinh dao ham ctia ham so y = trén cac khoang xac dinh.
-1 1 5 -5
Ay = . B,y = . Coy = . Dy = .
e YTty YTty YTty

Cau 3: Ham s6 y = sin(2z) — cosz ¢6 dao ham 1a biéu thiic nao sau day?
A. ¢ = cos(2x) — sinz. B. ¢ =2cos(2z) —sinz.
C. ¥y = —2cos(2x) +sinz. D. y' =2cos(2z) + sinx.

Cau 4: Cho ham s6 y = v22 + 4z + 5. Tap nghiém ctia bat phuong trinh ¢’ > 0 13
A (—2;400). B. [-2;+00). C. (—o0;—2]. D. R.

Cau 5: Tim dao ham ctia ham s6 da thic hop y = (222 — 1)3.

A,y =6z(22% — 1) B. ¢ =3(22% — 1)
C. vy =12z(22* — 1) D. vy =4z(22* — 1)
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Cau 9:

A.

Cau 6: Tinh dao ham ctia ham s6 lugng giac phiic tap y = tan® z.
2t
A ¢y =2tanuz. B. ¢ = wme
cosx
2
C.y=——. D. ¢ =2tanz - (1 + tan®x).
cos? x
Cau 7: Cho ham s6 y = x - cos . Khéng dinh nao sau day biéu dién ding dao ham ctia
ham s6?
A. ¢y =cosz+ rsinx. B. ¢y =cosz — xsinz.
C. y = —sinz. D. ¢y =cosx —sinx.
~ N 5 N Z ~ P ~ . ~ ~ £ 12 —r+1 N - 2
Cau 8: Dao ham ctia ham so phan thitc bac hai trén bac nhat y = Q1 la biéu

thitc nao?

2+ 2 ) 2 — 2 20 — 1
A y=— B. ¢y=—  C o¢y=——- D o=—"7-——.
TP Yooy TSP Yooy

Z 1 Z 2
Cho ham s6 f(x) = gx?’ — 222 4 3z + 1. Tap hop tat ca cac gia tri cia x dé
fl(x) <0la

A. (1;3). B. (—o0;1) a. [-3;—1]. D. Tap rdng 0.
(3; +00).
Cau 10: Tinh dao ham cap hai " cia ham s6 y = sinz + 2°.

—sinx + 6x. B. cosx + 322 C. —cosx + 6x. D. sinxz + 6x.

1. PHAN TU LUAN Tinh dao ham ctia cac ham s6 sau day:
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Bai 4: y = V322 — 5x + 2.

Bai 10: Cho ham s6 f(z) = cos? . Chitng minh rang biéu thic f(x) + f”(z) — 2sin*z 1a
mot hang s6 doc lap véi .

BANG DAP AN TRAC NGHIEM

[1.B[2.C[3.D|4B[5.C|[6.D[7.B[8.C|9 A[10. A |
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= DANG 2. PHUONG TRINH TIEP TUYEN VA UNG
DUNG VAT LY CUA DAO HAM

@ Phuong trinh tiép tuyén

e Y nghia hinh hoc: Dao ham f'(z0) chinh la hé s6 goc k ctia tiép tuyén véi do thi
(C) tai diem My(zo; o).

e Cong thitc phuong trinh tiép tuyén tai tiép diem Mo (zo;yo):
y = t'(x0) - (x — Xo) + Yo
Trong d6, xo 1a hoanh do tiép diém, yo = f(20) 1a tung do tiép diem.
o Mobi quan hé song song - vudng goc:

Néu tiép tuyén song song véi duong thang y = ax +b — k = f'(z0) = a.

. ) P N g 1
Néu tiép tuyén vuong goc véi dudng thang y = ax+b — k-a = —1 — f'(z9) = ——.
a

@ Ung dung vat ly caa dao ham

e Xét mot chuyén dong c6 phuong trinh vi trf phu thude thoi gian 1a s = s(t).

e Van tbc tic thoi clia vat tai thoi diém ¢, 1a dao ham cap mot ctia phuong trinh
chuyén dong: v(te) = s'(to).

e Gia tdc tiic thoi ctia vat tai thoi diém ¢, 1a dao ham cap mot ctia van toc, hosic dao
ham cap hai clia phuong trinh chuyén dong: a(te) = v/(to) = s”(to).

Cho ham s6 (C) : y = 2® — 32% + 2.
Dang 1: Viét PTTT tai diém c6 hoanh d6 cho trudc: z, = 3.
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Vi du tng dung vat Iy: Mot vat chuyén dong thang c6 phuong trinh quang dudng s(t) =
3 — 3t2 + 4t + 1 (¢ tinh bing giay, s tinh bing mét). Tinh van toc clia vat tai thoi diém
gia toc bi triet tieu.

S, LUYEN TAP TAI LOP

[’ Luyén tap: Viét phuong trinh tiép tuyén va dng dung vat 1i

I. PHAN TRAC NGHIEM

Cau 1: Phuong trinh tiép tuyén ctia do thi ham s6 y = 2% — 2z tai diém c6 hoanh do
Ty = 11a

A y=2x-3. B.y=2-1. C.y=xz-2. D. y=3x—4.

. 2 . ) . .
Cau 2: Cho ham s6 y = T . c6 do thi (C). He s6 goc ciia tiep tuyén cua (C) tai giao

diém ctia do thi véi truc tung la bao nhieu?

A k=3 B. k=-3. C. k=-1 D. k=1.

Cau 3: Tiép tuyén ctia do thi ham s6 y = —a? + 222 4 3 tai diem cuc dai c6 hé s6 goc

bang
A 1. B. —1. C. 2. D. 0.
~ P . < 4 £ 5 N . N Z 2£ —1 4 N
Cau 4: C6 bao nhiéu tiép tuyeén cua do thi ham so y = 1 song song véi duong
x

thang y = 3z — 27

A 1. B. 0. C. 2. D. Vo sb.
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3

Cau 5: Phuong trinh tiep tuyeén ctia do thi ham s6 y = §x — 2% 4 2 biét tiép tuyén

. 1
vuong goéc véi duong thang y = gx —4 la
A. Khong ton tai tiép tuyén théa man. B. y = —3z + 3.

5
C.y=-3z—-1. D.y:—3a:+3véy:—3m—|—§.

Cau 6: Cho ham s6 y = 2? — 42 + 3. Viét phuong trinh tiép tuyén ctia do thi ham s6
biét n6 c6 hé s6 goc k = 2.

A y=2z+6. B. y=2x—6. C. y=2x-2 D. y=2x-3.

Cau 7: S6 tiép tuyén ctia do thi ham s6 y = 2® — 3z di qua diem A(1; —2) la
A 1. B. 3. C. 0. D. 2.
Cau 8: Mot vat chuyén dong thang xac dinh bdi phuong trinh s(t) = ¢t — 3t? (¢ tinh
biang gidy, s tinh bang mét). Gia tdc clia vat tai thoi diém t = 3 giay la
A. 9m/s”. B. 6 m/s’. C. 12 m/s”. D. 0 m/s’.

2 2 1
Cau 9: Mot chuyen dong thang c¢é phuong trinh quang duong s(t) = —5254 +4t3 (t > 0).
Van téc 16n nhat ma vat dat duge trong qua trinh chuyén dong bang bao nhieu?

A, 32m/s. B. 64 m/s. C. 16 m/s. D. 48 m/s.

X , 21 — 1
Cau 10: [Trich d& DGNL 2025 - dot 1] Cho ham s6 f(z) = ‘”H
T

c6 dd thi (C).

Tren (C) c6 hai diém phan bigt va tai do, tiép tuyén ciia (C) song song vdi
dudng thang y = x. Goi m 14 tong hoanh do clia hai diém. Gia tri ctia m 1

A -1 B. -3. C. -2 D. 2.

II. PHAN TU LUAN
Bai 1: Cho ham s6 y = 23 — 3z +1 ¢6 do thi (C). Viét phuong trinh tiép tuyén cia (C)
tai diém M c6 hoanh do xy = 2.

20 — 1

Bai 2: Cho ham s6 y = 5 c6 do thi (C). Viét phuong trinh tiép tuyén cia (C) tai

diém c6 tung do yo = 3.

Bai 3: Tim phuong trinh tiép tuyén ctia do thi ham s6 y = —2% + 32 — 2 biét tiép tuyén
song song véi duong thang d : y = —9x + 1.
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2 2 L e s . r+1 ... .
Bai 4: Viet phuong trinh tiép tuyéen ctia do thi ham so y = ——1 biét tiep tuyen vuong
(E JE—
goc véi dudng thang A : y = 2z — 5.

Bai 6: Viét phuong trinh tiép tuyén ctia do thi ham s6 y = —2% + 4z — 3 di qua diém
gbc toa do O(0;0).

Bai 7: Mot vien dan dugc ban lén trsi theo phuong thing ding véi van téc ban dau
vp = 196 m/s. Phuong trinh chuyén dong ctia vien dan 1a s(t) = 196t — 4, 9t2 (¢
tinh bang giay). Héi sau bao lau vien dan dat do cao cuc dai va do cao d6 bing
bao nhiéu?

Bai 8: Mot vat chuyén dong thang c6 phuong trinh s(t) = t3 — 6t2 + 12t + 2. Ching
minh ring van téc ctia vat luon khong am véi moi thoi diém ¢ > 0.

. S s s T —2 2 P <
Bai 9: Tim toa do diem M trén do thi ham so y = 1 sao cho tiep tuyen tai M cat
x

hai truc toa do Oz, Oy tao thanh mot tam gidc vudng can.

Bai 10: Cho ham s6 y = 2° — 322+ 1. Tim diém A thudc dd thi sao cho tiép tuyén tai A
cit do thi tai mot diém B khéc A théa méan xp = 4.

BANG DAP AN TRAC NGHIEM

1.C|2.B[3.D[4.C|5.A|6.B|[7.D[8.C[9.B|10.C|
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i= DANG 3. PHUONG TRINH VI PHAN

@ BANG CONG THUC DAO HAM HOP COT LOI

Dé giai bai toan xac dinh ham f(z) qua phuong trinh vi phan cap 1 ma khong dimg tich
phan phic tap, ta quy vé dao ham clia cac ham s6 so cap quen thudc theo bang sau:

STT | Dang biéu thic lién hé | Cong thic quy vé Pao ham hop

1 z- f'(z) — f(x) -fixw _ f/(322_ f(z)

2 | W(@f(@) +u@) @) | @) f@)] = @) (@) +u@)f (@)
"(x) va T i T ,: C)

3| f@) v VI@) VT )], i
"(x) va [f(x)]? 4 — (=

4| 1@ @) | = o

5| Fo) v @) | @) = 2

6 | f'(z) va @ [ef(ﬂ?)]' = f'(z) - ef@

P Vi du 5. Pua vé Dao ham ctia Thuong hoic Tich

[Trich d&@ DGNL 2026 - dot 2] Cho ham s6 f(x) c¢6 dao ham lién tuc trén (0; +oc)
théa man z - f'(z) — f(z) =2 v6i moi > 0 va f(1) = 0. Tinh f(2).

P Vi du 6. Dua vé Pao ham cuia Can thiic
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P Vi du 7. Dua vé Dao ham ciia Liiy thira / Nghich dao

P Vi du 8. Pua vé Dao ham cta Logarit va Ham Mi
Cho ham s6 f(z) théa man f'(z) - e/@ =322+ 1 va £(0) = 0. Tinh f(1).

S, LUYEN TAP TAI LOP

@ Luyén tap:

I. PHAN TRAC NGHIEM

Cau 1: Cho ham s6 f(z) > 0 théa man f'(x) = 62% - \/f(z) va f(1) = 1. Gia tri ctia
f(2) bang

A. 16. B. 64. C. 36. D. 49.
Cau 2: Cho ham s6 f(z) # 0 thdéa man f'(x) = —32% - [f(2)]? va f(0) = 1. Gi4 tri clia

f(1) bang

Al % B. 2. C. —1. D. 1.

Cau 3: Cho ham s6 f(z) > 0 ¢6 dao ham trén (0;+00) thoa man = - f'(z) = 2f(z) va
f(1) = 3. Gia tri ctia f(3) bing

A. 9. B. 18. C. 27. D. 12.
Cau 4: Cho ham s6 f(x) ¢6 dao ham trén R théa man f'(z) + 2f(x) = 0 va f(0) = 3.
Gia tri ctua f(1) bang
A. 3e72 B. 3e2 C. e 2 D. 3e.
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Cau 5: Cho ham s6 f(z) ¢6 dao ham trén R théa man (z? + 1)f'(z) + 2z - f(z) = 322
va f(1) = 1. Gia tri cta f(2) bang

9 8
A - B. 2. C. -. D. 3.
) )

Cau 6: Cho ham s6 f(x) c6 dao ham trén R théa man f'(x) - e/ = cosx va f(0) = 0.
Gia tri caa f (g) bang

A. In2. B. In3. C. 1. D. 0.

Cau 7: Cho ham s6 f(z) ¢6 dao ham tren (0;400) thoéa man x - f'(z) — 2f(z) = 23 va
f(1) = 2. Gia tri ciia f(2) bing
A 12 B. 8. C. 10. D. 16.
Cau 8: Cho ham s6 f(z) > —1 ¢6 dao ham trén R thoa man f'(z) = 2z/f(z) + 1 va
f(0) = 3. Gi4 tri ciia f(2) bing
A. 15. B. 16. C. 8. D. 24.

Cau 9: Cho ham s6 f(z) # 0 c6 dao ham trén R théa man f'(z) + z - [f(2)]? = 0 va
f(0) = 1. Gi4 tri ctia f(2) bang

1 1 2
A -, B. 3. .= D. -.
3 s ¢ 2 3
Cau 10: Cho ham s6 f(z) > 0 ¢6 dao ham trén R théa man f/(z) = (322 + 2x) - f(z) va
f(0) = 1. Gi4 tri ctia f(1) bang
A. e B. . C. e D. 2e.

II. PHAN TU LUAN

Bai 1: Cho ham s6 f(z) > 0 théa man f'(z) = (6x +2) - \/f(z) va f(0) = 4. Tim cong
thitc ham s6 f(z).

Bai 2: Cho ham 6 f(x) ¢6 dao ham lién tuc trén (0; +00) thoa man (z+1)- f'(z)+ f(z) =
3z + 2z va f(1) = 1. Tinh f(2).

DAP AN TRAC NGHIEM:

1. B|2.A|3.C|4.A|5.A|6.A|7.A |8 A |9 A |10 A
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A BAI TAP VE NHA TU LUYEN
I. PHAN TRAC NGHIEM KHACH QUAN

Cau 1: Dao ham ctia ham s6 hiang y = 72 + e bing

A. 27, B. 0. C. 27 + 1. D. «.

. 1 2 BN
Cau 2: Ham so y = — + V& ¢6 cong thitc dao ham la biéu thic nao sau day?

1 1
Ay = B. y/___+_(j y——_—|- y—lnx—i——

Cau 3: Tinh dao ham ctia ham s6 can thic bac cao hop y = v223 — 3z + 1.

A o — 62? — 3 B o — 622 — 3

i 2223 —3x + 1 Y 203 —3r+1
2 _

C. o o7 =3 D. y =62 — 3.

Y9 /o —3a 11

. . -2 [ s
Cau 4: Cho ham s6 phan thiic bac nhat y = ; e Gia tri cua y'(0) bang
x
A. —5. B. 3. C. =3. D. 5.

Cau 5: Dao ham ctia ham s6 lugng giac tich y = 22 - cos 1 biéu thiic:

A. Y =2xcosx + 2?sinx. B. ¢ =2xcosx — 2?sinx.

C. ¢y = —2zxsinz. D. ¢ =2x —sinux.

Cau 6: Ham s6 y = cot(5x) ¢6 dao ham la

D 1 5
Ay=—F—— B ¢y=—-5— C ¢y =— . D. ¢y = —5tan(bx).
Y cos?(bx) Y sin?(5x) Y sin?(5x) Y an(5z)

Cau 7: Cho ham s6 f(z) = 2* — 22% + 3. Tap nghiém ctia bat phuong trinh f'(z) > 0 la
A. (—o0;—=1)U(0;1). B. (1;400).
C. (—o0;—1) U (1;400). D. (—=1;0) U (1;400).

Cau 8: Tinh dao ham cép hai ctia ham s6 y = cos(2x).

A. y" = —4cos(22).B. ¢y =4cos(2z). C. y’ = —2sin(2z).D. y" = —4sin(2x).

. P . N . 2 1 .
Cau 9: Heé so gbc cua tiep tuyen ciua do thi ham so y = Tt tai diem c6 hoanh do
Ty = 2 1a
A k=3. B. k= -3. C. k=-1. D. k=5.

Cau 10: Phuong trinh tiép tuyén clia do thi ham s6 y = 2® — 322 + 2 tai diém c6 tung
do yo = 2 va ¢6 hoanh do duong la
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A y=9z+2. B. y=2. C. y=9x—25. D. y=9x —27.

Cau 11: Tiép tuyén ctia do thi ham s6 y = 2% —3x+4 song song v6i dudng thang y = x—5
c6 phuong trinh la
A y=x—-4. B. y=x+4. C.y=z+2. D. y=u=.

Cau 12: Diém M thuoc do thi ham s6 y = 2* — 32 + 2 sao cho tiép tuyén tai d6 di qua
diém A(0;2) c6 hoanh do 16n hon 0 1a

AL M(2;4). B. M(1;0). C. M(;g) D. M(3;20).

Cau 13: Mot vat chuyén dong c6 phuong trinh quang duong s(t) = 2¢3 — 3t2 + 1 (s tinh
bing mét, ¢ tinh bing gidy). Van tdc ciia vat tai thoi diém ¢ = 2 s bing
A. 18 m/s. B. 24 m/s. C. 6 m/s. D. 12 m/s.

Cau 14: Mot hat chuyén dong thang c6 phuong trinh vi tri s(t) = t3 — 6¢2 + 9¢. Hat nay
ding yen tam thoi (van téc bang 0) tai cac thoi diem nao?

>

t=1svat=3s. B.t=2svat=4s.
C. t=0s. D. Khong bao gio dung lai.

Cau 15: Cho ham s6 y = v/2z — 22. Khéng dinh nao sau day dién dat dang lién he dao
ham?
A y-y—1=0. B. »-¢"+1=0. C. ?-¢y"—1=0. D. y-y+1=0.

Cau 16: Hé s6 goc ciia tiép tuyén ctia do thi ham s6 y = tanz tai diém c6 hoanh do

RS
ro = — bang

4
A. 1. B. V2. C. 2. D. 4.

. 1 :
Cau 17: Mot vat rai tu do ¢6 phuong trinh chuyén dong s(t) = §gt2 véi g = 9,8 m/s”.

Van téc tic thoi ciia vat tai thoi diém t = 5 giay bang bao nhiéu?

A. 49 m/s. B. 24,5 m/s. C. 9,8 m/s. D. 122,5 m/s.

Cau 18: Cho ham s6 y = 2% — 322 + 12. S6 diém trén do thi ma tai dé tiép tuyén song
song véi truc hoanh Ox la

A1 B. 0. C. 3. D. 2.
Cau 19: Cho ham s6 f(z) ¢6 dao ham lien tuc trén (0; +oo) thda man x - f'(z) + f(x) =
: (T 2 o, ™ |«
sinx va f (—) = —. Gia tri cua f (—) bang
2 s 3
1 2
A2 B L. o 2 D. =
27 T us 3T
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. 1
Cau 20: Cho ham s f(z) > 0 ¢6 dao ham lién tuc trén (—oo; —) théa man f'(z) =

V2
3z% - [f(x)]® va f(0) = 1. Gia tri cta f (%) béng
2v/3 V3

A. - B. 5 C. V3. D.

“|%

II. PHAN TU LUAN
Bai 1: Tinh dao ham ctia cac ham s6 phiic hop sau:

Aw) = (222 =3z + 1) Bx) = 2%
sSinx + cosx

£, x 1
Bai 2: Giai phuong trinh f'(x) = 0 biét rang f(z) = §x3 — 2% — 3z 4 2026.

2¢ + 3

Bai 3: Cho ham s6 y = : c6 do thi (C). Viét phuong trinh tiép tuyén cta (C) tai

giao diem ciia né véi truc hoanh Ox.

Bai 4: Cho ham s6 y = 2% — 32% + 4 ¢6 d6 thi (C). Viét phuong trinh tiép tuyén cta
(C) tai diém thudc do thi c6 tung do yy = 4.

2z — 1

Bai 5: Viét phuong trinh tiép tuyén ctia do thi ham s6 y = 5 biét ring tiép tuyén
T

song song véi duong thang d : y = 5z — 3.

Bai 6: Viét phuong trinh tiép tuyén ctia do thi ham s6 y = 23 — 222 + o — 1 biét rang
P . ) 1
tiep tuyen vuong goc véi duong thang A @y = —gx + 2.

2
s . R P T xr=2r+2 .
Bai 7: Tim phuong trinh tiép tuyéen ctia do thi ham s6 y = —_1 biet tiep tuyen

c6 hé s6 goc k = 0.
Bai 8: Viét phuong trinh tiép tuyén ctia dd thi ham s6 y = —23 + 32 di qua diém cyc
tiéu A(2; —2) nim ngoai do thi.

Bai 9: Mot chuyén dong thiang duge xac dinh bdi phuong trinh quiang dudng s(t) =
3 — 9t? 4 24t (t > 0, t tinh bang giay, s tinh bang mét). Tim van toc clia vat tai
thoi diém gia toc ctia chuyén dong dat gia tri nhd nhat.

Bai 10: Cho ham s6 f(z) > 0 ¢6 dao ham lién tuc trén khoang (0; +o0c0) thoéa man z -

f(x) +2f(x) =2 \/f(z) v6i moi x > 0 va f(1) = 1. Tinh gia tri ctia f(2).

BANG DAP AN BAI TAP TRAC NGHIEM

1.B | 2.C |3 A |4.D |5.B|6.C|7.D|8A | 9.B |10.C
11.D[12.C|13.D | 14. A |15. B |16. C |17. A |18. D | 19. A | 20. A
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