PE CUONG ON TAP GIUA HQC KY 11
NAM HQC 2025 - 2026. MON: TOAN 12
I. Muc tiéu
- Biét cach tim nguyén ham, tinh tich phan ctia mot ham s6 don gian.
- Biét cach str dung tich phan dé tinh dién tich cuia mot hinh phang hay thé tich ctia mot vat thé tron xoay.
Ung dung dugc vao cac bai toan thuce tién lién quan dén nguyén ham, tich phan.
Thlet lap dugc phuong trinh tong quat cua mat phang trong hé truc toa 46 Oxyz .Van dung duoc kién thirc
vé phuong trinh mét phing dé giai mot sb bai toan lién quan dén thyc tién.
II. Kién thirc co ban
1. Nguyén ham
Cho ham s6 f(x) xéac dinh trén K. Ham s F(x) duogc goi 1a nguyén ham ctiia ham sb f(x) trén K néu

F'(x):f(x) véimoi x thude K.
[ f(x)dx=F(x

2. Nguyén ham mot s6 ham so0 so' cap co ban
a+l

o Voi a#-1,taco: jx“dx: +C; J‘%dx=ln‘x‘+C;

a+l1
. '[sinxdx:—cosx+C;

1
I — dx=-cotx+C
sin” x

= 1 : 1
° J.cosxdx sinx+C; J' - dx=tanx+C
CcOs” x

X

+C

. a
e Véia>0,a=l1,taco: J'a"dle
na

3. Tinh chét
Cho f(x), g(x) la hai ham s lién tuc trén K.

'[ ( dx kI f dx voi k 1a hr?mg s6 khac 0
@ [Lf (<) (x) v =[ f(x)dx+ [ ()
B [1/(3)-8(x)Ja=[ f(x)dx-[s(x)

4. Pinh nghia tich phan
Cho ham sb f(x) lién tuc trén doan [a;b] )

Néu F(x) la mot nguyén ham cua f(x) trén doan [a; b] thi hiéu sd F(b) —F (a) goi 13 tich phan tir 4 dén

b
b cia ham sb f(x), ki hiéu jf(x)dx

b

J £ (x)dx = (x)], = F (b)-F(a)

a

5. Tinh chit tich phan
(1) Cho hai ham s y = f(x),y = g(x) lién tuc trén doan [a;b] . Khi do:

b b

. I[f(x)+g(x)]dx:Jf(x)dx+z[g(x)dx

a

)

b

. I[f(x)—g(x)]dx = jf(x)dx —ig(x)dx

a a

S

(2) Cho ham s6 y = f(x) lién tuc trén doan [a;b], k 1a sb thuc. Khi do:
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b b
© [Kf(x)dx=K[ f(x)dx
(8) Cho ham s6 y = f(x) lién tuc trén doan [a;b] ,C€E (a;b) . Khi d6

. jf dx jf dx+jjf(x)dx

6. Dién tlch hinh thang cong
Dién tich ctia hinh phang gi6i han boi d6 thi ham s f (x) lién tuc, Ox va hai duong thang

x=a, x=>b duoc tinh: S:Jb“f(x)‘dx

a

Dién tich ctia hinh phang gi6i han boi dd thi ham s f (x) va g(x) va hai duong thang x = a,

x =b duoc tinh: Szﬂf(x)—g(x)‘dx

7. Thé tich hinh khdi:
Goi B 1a phan vat thé gidi han boi hai mat phang vudng goc voi truc Ox tai cac diém a va b, S (x)

1a dién tich thiét dién cua vat thé bj cit boi mit phang vudng goc véi truc Ox tai diém x, (a <x< b)

Giasu S (x) 12 ham s6 lién tuc trén doan [a; b]

Khi d6, thé tich cta vat thé B duoc xac dinh: |V = J S (x)dx .

8. Thé tich khdi tron xoay:
Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang gidi han boi y=f (x) , Ox, va hai dudng thing

x=a, x=>b quanh truc Ox: y

b ! y=f(2
a :' H 4 L\ .

9. Phwrong trinh tong quat cia mit phang N
Trong khong gian Oxyz, mdi mit phang déu c6 dang phuong trinh: Ax + By+Cz+D=0 voi

A’ +B*+C* #0, dugc goi la phuong trinh tong quat ctia mat phang.
10. Khoang cach tir mot diém dén mot mit phang

Trong khéng gian Oxyz, cho diém MO( XYy Z 0) va mit phang (a) :Ax+By+Cz+D=0.Khi do
|Ax, + By, +Cz,+D|

VA +B*+(C?

khoang cach tir diém M, dén mat phang (a) duoc tinh: d(MO,(a)) =

II1. Ngi dung on tap
1. NGUYEN HAM ‘ ,
PHAN L. CAU TRAC NGHIEM NHIEU PHUONG AN LUA CHQN

Caul. Tim nguyén ham ciia ham s f(x)=3x+cos3x
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Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

3x* sin3x 3x? sin3x

A. 3(1+sin3x)+C. B.7+ +C. C°7_ +C. D.3x*+sin3x+C.

Nguyén ham ctia ham s6 ¢6 f(x) = tan® x+cot’ x la:

1 1
A. 2tanx+2cotx+C. B. gtan3x+§cot3x+C.
C. tanx+cotx—2x+C. D. tanx—cotx—2x+C.
Tim nguyén ham ctia ham sé f(x)=2"+e¢"
2x 2x+l x+1
A. 2In2+¢"+C.  B.—+e'+C. C.2%+e"+C. D.— % ,C.
In2 x+1

Tim nguyén ham cia ham s6 £ (x)=x*/x + % trén khoang (0;+0)

N
A.%ﬁ+3%/§+€. B.%ﬁ+%i/§+€. C.%JxT+3%/;+C. D.%ﬁ%i/h(?.
1
5x-2
A. %1n|5x—2|+C. B. —%ln|5x—2|+C. C.5In|5x-2[+C.  D. In|5x-2|+C.

Tim nguyén ham ctia ham s6 f (x)=

Ki hiéu F(x) 1a mot nguyén ham cia ham s f (x)=(x>+1)" va F(1)= % . Khéng dinh nao

sau day la dung?

5 3 5 3
A.F(x):x—+2i+x. B.F(x):x—+2i+x+C.
5 3 5 3
2 2
C. F(x)=4x(x*+1). D. F(x)="+Z4x-Z.
(x) x(x+) (x) ST TS
Cho ham s f(x) xac dinh trén R\{-1} va théa man f'(x)zil, £(0)=1 va
X+
f()+f(-2)=2.Giatri f(-3) bang:
A.1+2In2. B.1-In2. C. 1. D. 2+In2.

Biét rang F(x)=ax’+(a+b)x’+(2a—-b+c)x+1 1a mdt nguyén ham ciia ham sd
f(x)=3x"+6x+2. Tinh tong S=a+b+c.

A. S=2. B. §=3. C. S=4. D. §=5.

Mot 6 t6 dang chay vdi van toc 20 m/s thi nguoi 1ai ham phanh. Sau khi ham phanh, 6 t6 chuyén
dong cham dan véi van toe v(t) = —4t+20 (m/s) trong d6 ¢ 1a khoang thoi gian tinh bang gidy
ké tir luc bit dau ham phanh. Hoi tir lac hdm phanh dén khi dirg han, 6 t6 con di chuyén duoc
bao nhiéu mét?

A.25m. ~ B.50m. q C10m. D. 30 m.

Mot chat diém chuyén dong trén duong thang nam ngang (chiéu duong hudng sang phai) véi gia
tbc phy thudc thoi gian (s) 1a a(¢)=2¢-7(m/s’). Biét van téc ban dau bang 10(m/s), hoi

trong 6 gidy dau tién, thoi diém nao chat diém & xa nhat vé phia bén phai?

A. 5(s). B. 6(s). C. 1(s). D. 2(s).
PHAN II. CAU TRAC NGHIEM PUNG SAI
2
Cau1l. Ham s f(x) xdc dinh trén R\{0} thoa man f(x) :ﬂ. Xét tinh dlng sai cua céc
x
khang dinh sau:

7
a) f(x)—x+5—;.
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

b) [ (x dx—7+5x 71njx+C.

¢) Goi F(x) 1a mot nguyén ham cua ham s6 f(x) va thoa man F(1)=5. Khi d6 ta tim duoc
ham 56 7 (x) =%+ 57+

d) Goi G(x) la mot nguyén ham cua ham s6 f'(x). Biét G(1)=4 va G(3)+G(-9)=20. Khi
d6 tim duge G(—6)=aln2+bIn3+c, véi a,b,c la cac s6 hitu ti. Vay a+b+c—§

xX+m,x>0 . L
, ( m la hang s0). Gia sit F'(x)
e’ x<0

Cho ham sé f(x) lién tyc trén R thod man f'(x) :{

1a nguyén ham ctia ham s6 £ (x) va F(x) lién tuc trén R. Céc khing dinh sau ding hay sai?

a) m=
b) Biét F(—1)=21?. Khi d6 v6i x <0 thi F(x):%e”—eiz.
4e” -1
F(1)= .
) F(1) ="~

d) D6 thi ham s6 F(x) c6 mot diém chung duy nhét véi truc hoanh.
sinx+2 khi x>0

Cho ham sb f (x)= SX L . Gid su F languyén ham cua f lién tuc trén R thda
2cos 5 khi x<0

man F (—gj = 7. Cac khang dinh sau dung hay sai?

a) j(sinx+2)dx=cosx+2x+C.

b) F j2cos —dx—smx+x+4—+£
2 3 2
3+2

2

c) Véi x>0 thi F(x):Zx—cosx+4T”+

o (2o

Mot bac tho xay bom nudc vao bé chira nude. Goi h(t) 1a thé tich nudc bom duoc sau ¢ giay.
Cho h'(t)=3at’ + bt(m3 /s) va ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nudc trong bé
12 150m” . Sau 10 giéy thi thé tich nudc trong bé 1a 1100m° . Cac khang dinh sau ding hay sai?
a h dt =at’ + b +C.

) [ (e .

2
b) h(t)=ar’ +b%+1.
c)ab=2.
d) Thé tich nudc trong bé sau khi bom duoc 20 gidy 1a 8040m” .
Trong thi nghiém nudi cdy mot loai vi sinh vat, ki hiéu f (1) 1a téng sb lugng vi sinh vt sau ¢
gi0. Biét rang sau 3 gio dau tién thi tong s lugng vi sinh vat 1a 50 con. Trong 7 gid tiép theo,
sb lugng vi sinh vat thay doi v6i toe do f7 () =" —8¢ (con/gid). Xét tinh ding sai clia cdc khing

dinh sau:
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3
a) Ho nguyén ham cua f'(7) 1a %—8# +C (CeR).

b) Sé luong vi khué}n tang lién tyc trong khoang tir 3 gio ,dé'n‘ 10 gio sau thoi diém 1am thi nghiém.
¢) S6 luong vi khuén 1a nho nhét sau 8 gio tinh tir lic bat dau lam thi nghiém.
d) Sau 6 gi0 thi s6 luong vi khuan 13 5 con.

PHAN IIL. CAU TRAC NGHIEM TRA LOI NGAN

Cau 16. Choham s f(x)=sinx.cos2x lién tyc trén R. Gid sir F(x) la nguyén ham ciia ham s6 f'(x)

thoa man F(%) :g .Tinh gid tri cia T =a+b+c(a,b,c€Z,c#0) biét F(%) _ 5+ab .
c

Cau 17. Khi dugc tha tir 40 cao 20m mot vat roi voi gia tde khong ddi @ =10 m/s*. Sau khi roi dugc ¢
gily thi vt ¢6 toc do bao nhiéu? , "

Cau 18. Mot vién dan dugc ban thang ding 1én tir mat dat. Gia su tai thoi diém ¢ gidy (coi ¢ =0 1a thoi
diém vién dan dugc ban 1én), vén toc ciia né dugce cho béi v(¢)=160-9,8¢ (m/s). Tim do cao
16n nhit cua vién dan (tinh tir mat dat). (1am tron két qua dén chir sb thap phan thir nhét).

2. TICH PHAN

PHAN 1. CAU TRAC NGHIEM NHIEU PHUONG AN LUA CHON

Cau 19. Cho ham s6 y = f(x) lién tyc trén doan [a;b]. Goi F(x) la mot nguyén ham ciia f'(x) trén
[a;b]. Chon ménh d ding

b b
A. jf(x)dx:F(b)—F(a). B. [ f(x)dx=F(a)-F(b).
b
C. jf = F(b)+F(a). D. [ f(x)dx=F*(b)-F’(a).
5
Cau 20. Tinh tich phan I costdt
2
A. 2. B. 0. C. 2. D. 1.

Cau2l. Néu jf dx=2 thi j[f )+2x|dx bing
A. 20. B. 18. C.12. D. 10.

Cau 22. Trong mat phang toa do Oxy, cho hinh thang OABC gidi han béi y =3x+1, truc Ox va hai

duong thang x =0,x =1 (nhu hinh v&).

) B
4
y=3x+1
A
1
C
o0 1 X
1
Khi d6 [(3x+1)dx bang bao nhiéu?
0
AL B.2. c.2. D. 2.
5 2 2
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Cau 23. Cho j f(x)dx=—-1va j g(x)dx =3 . Ménh dé nao sau day ding?

A. J;[f(x)Jrg(x)}dx:S. B. j;[f(x)—g(x)]dx=4.
C. j.Sf(x)dx:S. D. Jz-[3f(x)—4g(x)]dx:—15

3
Cau 24. Chojf )dx=-1; jf )dx=5. Tinh | £ (x)dx
1
A. 3. B. 6. C.5. D. 4.

Cau 25. Cho J(3x2 —-2x+ l)dx = 6. Gia tri cia tham s m thudc khoang nao sau day?

0

A. (-1;2). B. (—0;0). C. (0;4). D. (-3;1).

Ciu 26. Van toc ciia mdt vat chuyén dong 1a v(¢)=3¢>+5 (m/s). Quang dudng vat d6 di dugc tir gidy
thir 4 dén gidy tha 10 1a
A. 669m . B. 696m . C. 699m . D. 966m .

Cau 27. Gid str loi nhuan bién (tinh bang tri¢u dong) cia mdt san pham dugc mo hinh hod bang cong thure
P'(x)=-0,0004x+9,3. O day P(x) 1aloi nhuan (tinh bing triéu dong) khi ban dugc x don vi
san pham. Khi d6 su thay ddi cua loi nhuan khi doanh s tang tir 100 1én 125 don vi san pham

1a
A. 232,325 triéu ddng. B. 230,315 triéu dong. C. 321,385 triéu dong. D. 231,375 triéu dong.
Cau2s. Cho f(x)={ ¥ pny jf( )d
au . 0 X)= .1 = xX)ax
2x—1 khi x<1 ’
A. 1. B.%. C. 4. D. 5.

PHAN II. CAU TRAC NGHIEM PUNG SAI
Cau29. Cho jf )dx=—4 va jg )dx=-3.

a) J;[f(x)+g(x)]dx:—7. b) j;[f(x)—g(x)]dle.
c) j—3f(x)dx=12. d) _T[zf(x)+3g(x)]dx=—51

Cau 30. Cho hamsd f(x) lién tuc va khong am trén doan [0;3]. F(x) la mot nguyén ham cia f(x)
trén doan [0;3] thoa F(3)=2 va F(0)=1.
a) Hiéu s6 F(3)—F(0) goi la tich phan tir 3 dén 0 cia ham s6 f(x).

b) j.f(x)dx:—j.f(x)dx=F(3)—F(O).

c) if(t)dt=

d) Hinh thang cong gi6i han boi d6 thi ham sé y = f(x), truc hoanh va hai duong thing
x=0,x=3 co dién tich bang 1.

Cau3l. Cho /= j|x2 —2x|dx.
0
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Cau 32.

Cau 33.

5 x'=2x,0<x<2
a) |x —2x|= .
x?=2x,0<x<3

b) I=j'|x2 —2)c|d>c:j.|x2 —2)c|d>(+j.|x2 —2x|dx.
0 0 2
C) 1=j.|x2 —2x|d>c:j.(x2 —2x)dx+i(x2 —2x)dx.
’ 2 3 3
+[x?—x2} :
0

0 2
3
d) I:(—X—erzJ
3 2

Gia str lgi nhuan bién tinh bﬁng triéu déng cua mot san phém duoc mo hinh hoa béng cong thirc
P'(x)=-0,0008x+10,4. O day P(x) laloi nhuén tinh bang triéu dong khi ban duge x don vi
san pham. i .

a) Loi nhudn khi ban dugc x don vi san pham dugc tinh bang cong thuc
P(x) =—-0,0008x" +10,4x .

b) Loi nhuén khi ban duoc 50 san phdm dau tién 13 519 triéu dong.

c¢) Su thay d6i cua lgi nhuén khi doanh s6 tang tir 50 1€n 55 don vi san pham 1a 49,79 triéu

dong.
d) Biét su thay doi ctia loi nhuén khi doanh s ting tir 50 1én a(a >50) don vi san pham 16n

hon 517 triéu dong, khi d6 gia tri nho nhét cia a 1a 100.
O nhiét @6 37°C, mdt phan (g héa hoc tir chat dau 4, chuyén hoa thanh chat san pham B theo
phuong trinh: 4 — B. Gia sit y(x) la noéng do chat 4 don vi mol/l tai thoi diém x gidy,

¥(x)>0 v6i x>0, théa man hé thie y'(x)=-7.10"(x) véi x 2 0. Biét ring tai x =0, nong
d0 dau ciia 4 1a 0,05 mol/l. Xétham s6 f(x)=Iny(x) véi x>0.Khido taco

a) f'(x) =-7.107".

b) f(x) = —7.10_4x+ln(0,05) .

¢) »(30)-y(15)=-6.10"".
d) Nong do trung binh ctia chat A tir thoi diém 15 gidy dén 30 gidy gan bang 0,05.

PHAN III. CAU TRAC NGHIEM TRA LOI NGAN

Cau 34.

Cau 35.

Mot vat chuyén dong doc theo mot dudng thang sao cho van tdc cia né tai thoi diém ¢ (gidy) 1a
v(t)=1"—t+6 (mét/gidy). Quang duong (mét) vat di dugc trong khoang thoi gian 1 <7 <4 bang
bao nhiéu?

Hi¢u suat cua tim la luu lugng mau dugc bom boi tim trén mét don vi thoi gian (tic 1a luu luong
mau chay vao dong mach chi). Dé do hiéu suét cua tim, ngudi ta bom A4 (mg) chat chi thj mau
vao tim nhi phai, chay qua tim rdi vao dong mach chu va do nong do chat chi thi mau con lai &
tim dén thoi diém T (s) khi chét chi thi mau tan sach. Goi c(t) 1a nong do (mg/1) chét chi thi

T

[e(t)ar

cuia tim khi bom 8mg chat chi thi mau vao tdm nhi phdi, biét c(¢)= %t(lZ—t) voi 0<t<12

mau tai thoi diém #(s) thi hiéu suat clia tim dugc x4c dinh boi F = (Vs). Tinh hiéu suat

(két qua 1am tron dén chir s6 thap phan tha hai). (Nguon: James Stewart, Calculus, Cengage
Learning)
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ax+1khi x>1

, . v6i a,b 1a cac tham sb thuc. Biét ring f(x) lién tuc va
x“+b khi x<1

Ciu 36. Cho ham s6 f(x) :{

2
c6 dao ham trén R . Biét [ = jf(x)dx =2 b +37a v6i m,n 1a cac s6 nguyén t6 ciing nhau.
-1 n
Tinh S=m—-n.
3. UNG DUNG TiCH PHAN
PHAN I. CAU TRAC NGHIEM NHIEU PHUONG AN LUA CHON
Hoc sinh tra 11 tir cau 1 dén cau 10. Mdi cau hoi hoc sinh chi chon mot phuong an.
Cau 1. Dién tich hinh phing gi6i han béi cac dudng x=a, x=b, y = f(x) va truc hoanh 1a

b b b b
A S=z[f(x)dr.  B.S=[|f(x)dr. C.S=[f(x)dx.  D.S=z[[f(x)]dr.
Cau2. Chohaihamséd f(x) va g(x) lién tuc trén [a;b]. Dién tich hinh phang gi¢i han béi dé thi cua
cachamsé y = f(x), y=g(x) va céc duong x =a, x=b bing

jj[f(x)—g(x)]dx‘. B. ;i.|f(x)+g(x)|dx.
C. [l (- D. [[1(0)- (o).

Cau3. Goi S ladién tich hinh phang giéi han boi cac dudng y=x* —3x, y=0, x=0, x=2. Ménh d¢
nao dudi day dang?

A. S:j(x3—3x)dx. B. S:j(x3—3x)2dx. C. S:j|x3—3x|dx. D. S:—j(x3—3x)dx.
0 0 0 0
|

A.

Cau 4. Tinhdiéntich S cua hinh ph'fmg gidi han boi cac duong y=e*, y=2, x=0, x=
A. S=4In2+e-5. B.S=4In2+e-6. C.S=e&-7. D. S=e-3.
ring f(x)—g(x)=-8.Ménh dé nao duéi day dung?
b b b b
A. S =[(-8)dx. B. 5 =[8dx. C. S =[64dr. D. S = 7[64dx.

Cau 6. Goi S 1a dién tich hinh phang gidi han boi cac dudng x=0, x=1, dd thi ham sé y = x’ +3x’
va tiép tuyén ctia no tai diém x = —2. Ménh d& nao dudi ddy dung?

A. S:j(x3+3x2—4)dx. B. S=j|x3+3x2—4|dx.
0 0

C.S=

j.(x3 +3x7 —4)dx‘ . D. S= ﬂj(}f +3x7 —4)2dx .
0 0
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2
X

Céu7. Tim a dédiéntich S cua hinh phang gi6i han bsi (P):y = —2x , duong thang d: y=x—-1
x —_—

vd x=a, x=2a(a>1) bang In3?
A.a=1. B.a=4. C.a=3. D.a=2.
Cau8. Cho dd thi ham s6 y = f(x) lién tuc trén R va do thi nhu hinh v& . Goi S 1a dién tich hinh

phang giéi han bai d6 thi ham sb y = f , truc hoanh va hai dudng thiang x =—1, x =3. Ménh

\é/

A.S:if(x)dx. B. S=

dé nao sau day dang?
l 7]

I\D

C.S:j‘lf(x)d.x+;|;f(x)dx. D.S:j-lf(x)dx—j‘f(x)dx

2
Cau 9. Tinh dién tich hinh phang (phan 6 ddm) trong hinh vé& bén duéi

y y= X —x
1
0.5
X
-1.5 1 -0.5 0.5 1 1.5 2
-0.5
g
-1
y = X=X
2 B.2. c. 3 D. 13.
12 4 12°
Cau 10. Dién tich hinh phing gii han boi d6 thi ham s6 y = x va duong thang y =2x 1a
AL B.2. c.2. p. Z.
3 3 2 15

PHAN II. CAU TRAC NGHIEM PUNG SAI
Hoc sinh tra 101 tir cau 1 dén cau 5. Trong mdi ya),b),c),d) & mdi cau, hoc sinh chon ding hodc sai.
Cau 1. Trong mit phang toa dd Oxy, cac khang dinh sau dung hay sai?

a) Dién tich hinh phang gidi han boi dd thi ham s6 y = cosx, truc Ox va hai duong thing

x =0, x = dugc tinh bdi cong thirc S = “cos x|dx .
b) Dién tich hinh phang gidi han boi d6 thi ham sé y = cosx, truc Ox va hai duong thang

x=0, x:%bﬁng 1.
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¢) Dién tich hinh phang gi¢i han boi db thi ham s6 y = x> —1 va truc Ox dugc tinh boi cong
1

thie § = [|x* ~1]dx
0

d) Dién tich hinh phang gidi han bai d6 thi ham sé y=x’ +1, truc Ox, truc Oy va dudng

thang x =1 bang %

Cau2. Trong mit phing toa dd Oxy, cac khang dinh sau diing hay sai?
a) Dién tich hinh phing gi¢i han béi dd thi hai ham s6 y = f'(x), y = g(x) va hai duong thing
b
x=a, x=b duoc tinh bang cong thirc S = I(f(x)—g(x))dx.
b) Dién tich hinh phang gi¢i han boi d6 thi hai ham s6 y =x” va y = x dugc tinh bang cong

thirc S=j|x2—x|dx.
0

¢) Dién tich hinh phang gidi han boi d thi hai ham s y=x> va y =1 bang % .
d) Dién tich hinh phing gi6i han boi d6 thi hai ham s6 y = x> +1, y =1 va duong thing x =1
. 4
bang —.
£3
Cau 3. Mot vién gach men c6 dang hinh vuong O4BC nhu hinh v&. Sau khi toa d6 hoa, ta c6 0(0;0),
A(0;1),B(1;1),C(1;0) va hai duong cong 14n Iuot 12 dd thi ham sé y=x* va y=3x.

\&

Céc khing dinh sau dang hay sai?
a) Dién tich hinh phang gi6i han boi db thi ham sé y = Ix , truc Ox , duong thang x =0 va

.

b) Dién tich hinh phing gi6i han boi dd thi ham sé y = x* truc Ox, duong thing x =0 va

duong thang x =1 c6 gia tri bang % (dvdt).

¢) Dién tich hinh phing gi¢i han bi dd thi ham sé6 y=x* va y=3/x, duong thing x=0 va
duong thang x =1 dugc tinh bang cong thirc S = J;(ﬁ —3fx )dx .

d) Dién tich phan khong duogc to ddm trén vién gach men cé gia tri biang % (dvdt).

Cau4. Mot canh cong ciia toa nha co dang parabol gom hai phan: Phan lam cira 16i vao hinh chir nhat
ABCD , con lai 14 phan tuong trang tri. Biét ring chiéu cao cong 1a 1O =9m, EF = 6m, AB = 4m
.S, 1a dién tich phan céanh cira cua 16i vao hinh chir nhat, S, la dién tich phan tudng trang tri.

Céc khing dinh sau dang hay sai?
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3
a) Gia str parabol c6 phuong trinh 1a y = f(x) thi dién tich canh congla S = .[ f(x)dx
e

b) Dién tich phén cira vao la S, =4+/5(m”).
¢) Dién tich phan tuong trang tri 1a S, = 16(m2 ) .
d) Gia str phan tuong trang tri hai bén cira vao can dp kinh cudng luc. Khi d6 dién tich kinh can

dung 1a ?(mz)

P oo ooooooooos

N .
Q
Sl

6 m

Cau5. Cho parabol (P):y=x’—2,duong thing d:y=x-2 va d':x=a, a la tham s6 duong.

42

a) Dién tich hinh phing (H,) gi6i han bsi (P) va truc Ox 1a S, ==

b) Dién tich hinh phing (H,) gi¢i han béi cdc duong (P) va d 1a S, = %

c) Dién tich hinh phing (H,) gi6i han boi cac duong (P), dudng d’ va hai truc toa do la
S, = [(x* =2)dx.
0

d) Dién tich hinh phang (H,) gi6i han béi cac duong (P), duong thng d va truc Ox 1a

42 -5
S, = .
2 A 3 = - N =
PHAN III. CAU TRAC NGHIEM TRA LOI NGAN
Hoc sinh tra 101 tir cau 1 dén cau 4.

Cau 1. Mot vién gach hoa hinh vuéng canh 60(cm). Ngudi thiét ké da st dung bon duong parabol c6

chung dinh tai tim vién gach dé tao ra bon canh hoa (dugc t6 mau sdm nhu hinh vé& bén).
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Cau 2.

Cau 3.

Cau 4.

Dién tich phan canh hoa cua vién gach bing bao nhiéu cm?*?

Céng cua mot trai du lich sinh thai c6 dang parabol, 16i ra vao céng l1a hinh chtr nhat nhu hinh
v&. Biét rang, 16i di hinh chit nhat ABCD c¢6 kich thuéc CD =2m , phia ngoai 16i di hinh chir
nhat duoc trang tri hoa vin cho phu hop. Chi phi trang tri hoa vin 1a 240000 ddng cho mot mét
vudng. Hoi sb tién dé trang tri hoa van ciia cong trai du lich sinh théi 1 bao nhiéu triéu déng?

B

4m

W

D C
4m
San truong c6 mot bon hoa hinh tron ¢6 tim O. Mét nhém hoc sinh 16p 12 dugc giao thiét ké
bon hoa, nhom nay dinh chia bon hoa thanh bén phén, boi hai dudong parabol c6 cing dinh O va
dbi xtng nhau qua O. Hai duong parabol nay cit duong tron tai bon diém 4, B, C, D tao
thanh mot hinh vudng ¢ canh bang 4m (nhu hinh v&). Phan dién tich S,, S, dung dé trong hoa,

phan dién tich S;, S, dung dé trong co (Dién tich 1am tron dén chit s thap phan th hai). Biét
kinh phi dé trong hoa 1a 150000 dong/1m*, kinh phi dé trong ¢6 1a 100000 dong/1m*. Héi nha
truong can bao nhiéu tién dé trong bon hoa d6? (So tién lam tron dén hang chuc nghin).

A

oy

C
Cho hai ham sd f(x)=ax’+bx’ +cx+1 va g(x)=dx* +ex (a,b,c,d,ecR). Biét ring do thi

S

’ ’ . .2 N 1
ham s6 y= f(x) va y=g(x) cat nhau tai 3 diém co hoanh d¢ lan lugt 1a —1; 5 2 (tham

khao hinh v&). Hinh phing gi6i han boi 2 dd thi di cho c6 dién tich bang bao nhiéu?
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4. UNG DUNG TiCH PHAN TINH THE TICH
PHAN 1. CAU TRAC N(}HIEM NHIEU PHUONG AN LUA CHON
Hoc sinh tra 1o tir cau 1 dén cau 10. Mdi cau hoi hoc sinh chi chon mét phuong an.

Cau 1.

Cau 2.

Cau 3.

Cau 5.

Cau 6.

Viét cong thuc tinh thé tich ¥ ctiia khdi tron xoay dugc tao ra khi quay hinh thang cong, giéi han
boi dd thi ham sé y = f(x), truc Ox va hai duong thing x =a,x=b(a <b), xung quanh tryc
Ox .

A. V:i|f(x)|dx. B. V=7r:b[f2(x)dx. C. V=if2(x)dx. D. V=ﬂif(x)dx.

Cit mot vat thé boi hai mit phing vudng goc véi truc Ox tai x =1 va x =2 . Mot mét phang tuy
y vudng géc v6i truc Oxtai diém c6 hoanh do x (1<x<2) cdt vat the d6 c6 dién tich
S(x)=2024x. Tinh thé tich cta phan vét thé gi¢i han bdi hai mit phang trén.
A. V'=3036. B. V' =3036x. C. V' =1518. D. V' =1518%.
Cat mot vat thé bdi hai mat phang vudng goc véi truc Ox tai x =1 va x =3. Mot mdt phang tuy
¥ vubng goc voi truc Ox tai diém c6 hoanh do x (I<x<3) cit vat thé d6 theo thiét dién 1a mot
hinh chir nhat c6 d dai hai canh 1a 3x va 3x® —2. Tinh thé tich ctia phan vat thé gi¢i han boi
hai mat phang trén.
A. V =156. B. V =156r. C. V=312. D. V =312x.
Goi D 1a hinh phang gidi han boi cac duong y=e**, y=0, x=0 va x=1. Thé tich cta khéi
tron xoay tao thanh khi quay D quanh truc Ox bang

1 1 1 1
A. ﬂj edx. B. Je“dx . C. 7Z'I e®dx . D. J.e?’xdx.

0 0 0 0
Goi D 14 hinh phing gi6i han boi cac dudng y=¢*, y=0, x=0 va x=1. Thé tich caa khéi

tron xoay tao thanh khi quay D quanh truc Ox bang
1

1 1 1
A. Ie“dx. B. ﬂjegxdx. C. ﬂ_[e“dx. D. jegxdx.
0 0 0 0

Cho hinh phang (H) gidi han bai cac duong y=x>+3, y=0, x=0 va x=2. Goi V la thé
tich cta khdi tron xoay duoc tao thanh khi quay (H) xung quanh truc Ox . Ménh dé nao duéi
day dung?

A. V:j(x2+3)dx. B. Vzﬂj(xz +3)dx.
0 0

C.V=

S S 1O

(¢+3) dr. DV =xf(x+3) dr.
0
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Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cho hinh phang D duoc gidi han boi duong cong y =e*, truc hoanh va cic dudng thing x =0
; x=1. Khbi tron xoay tao thanh khi quay mién D quanh tryc hoanh c6 thé tich ¥ bang bao
nhiéu?

2 2

mle +1 2 _ 2 mle -1
A.V:(—). B.y=2"1 c.v="1, D.V:Q.
2 3 2

Cho hinh phing D duoc giéi han bai dudng cong y =+/x* +1, truc hoanh va cac duong thing

x=0; x=1.Khdi tron xoay tao thanh khi quay mién D quanh truc hoanh cé thé tich ¥ bang
bao nhiéu?

A V=2, BV =27 4

C.V=2r. D.V=—.
3 3

Cho hinh phang D dugc giéi han bai dudng cong y =+/2+ cos x , truc hoanh va cac dudng thing
x=0; x= % Khdi tron xoay tao thanh khi quay mién D quanh truc hoanh c6 thé tich ¥ bang
bao nhiéu?

A V=(r+)rx. B.V=r-1. C.V=r+l. D.V=(z-1)rx.

Cho hinh phang D dugc gidi han boi duong cong y =+/2 +sin x , truc hoanh va cac duong thing
x=0; x =7 . Khdi tron xoay tao thanh khi quay mién D quanh truc hoanh c6 thé tich ¥ bang

bao nhiéu?
A.V:27r(7r+1). B.V=2r. C.V:2(7r+1). D.V=2x".

PHAN IL. CAU TRAC NGHIEM DUNG SAI i
Hoc sinh tra 161 tir cau 1 dén cau 5. Trong moi y a), b), ¢), d) @ moi cau, hoc sinh chon dung hodéc sai.

Cau 1.

Cau 2.

Céc khang dinh sau 1 ding hay sai
a) Cong thire tinh thé tich khéi tron xoay khi cho hinh phing gii han béi parabol (P): y =x7,
duong thang d : y = 2x va dudng thang x=0, x =2 quay xung quanh truc Ox la

2 2
V= ﬂj4x2dx—ﬂjx4dx.
0 0
b) Cho hinh phing (/) gi6i han boi cdc dudng y=x>+3, y=0, x=0, x=2.Goi V 1a thé
tich khéi tron xoay dugc tao thanh khi quay (/) xung quanh truc Ox . Khi d6
2
V= ﬂf(xz +3)2 dx.
0

¢) Cho hinh phéng giéi han boi cac duong y = Jx-2 , v=0va x=4, x=9 quay xung quanh
truc Ox . Thé tich khéi tron xoay tao thanh bang 117 .

d) Cho tam giac vuéng OAB c6 canh OA = g nam trén truc Ox va AOB=qa (0 <a< %) .

Goi (H ) 1a khoi tron xoay sinh ra khi quay mién tam gidc OAB xung quanh truc Ox . Thé tich
V cua (H) bang za’.

y B

(0] I T
2/

Céc khing dinh sau 1a dung hay sai?
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Cau 3.

Cau 4.

a) Cho hinh phang D gi6i han boi duong cong y =+/2+sin x , truc hoanh va cac duong thang
x=0, x = 7. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich bang
2 (7r + l).
b) Thé tich khéi tron xoay duoc sinh ra khi quay hinh phang gi6i han bai d6 thi ctia ham sb
y =x" —2x, truc hoanh, duong thing x =0, x =1 quay quanh truc hoanh bang i—;z .
¢) Cho hinh phang (#) gi¢i han bdi cdc dudng thang y=x"+2, y=0, x=1,x=2.Goi V' la
thé tich ctia khdi tron xoay dugc tao thanh khi quay (H) xung quanh truc Ox . Khi d6

2
V=ﬂj(x2 +2)2dx

1
d) Goi ¥ 1a thé tich ctia khi tron xoay tao thanh do quay xung quanh truc hoanh mét elip co

2 2
phuong trinh XY 1. TacoV :ﬂ
25 16 3

Goi V' 1a thé tich cta khdi tron xoay tao thanh khi quay hinh phang gidi han boi cac duong
y:x/;, y=0 va x=4 quanh truc Ox.

y ik

a) Dién tich hinh phang tao thanh khi dwoc gii han boi cac duong y = Jx ,y=0vax=41a
5=
3

b) Thé tich khdi tron xoay tao thanh khi quay hinh phing gi6i han béi cac duong y=+/x, y=0

4
va x =4 quanh truc Ox c6 cong thucla V' = J.(\/;)zdx .
0

¢) Thé tich khdi tron xoay tao thanh khi quay hinh phang gi6i han boi cac duong y = Jx ,y=0
va x =4 quanh truc Ox la 8x.

d) Puong thing x=a (0<a <4) cht dd thi ham s6 y =+/x tai M (hinh v&). Goi ¥, la thé tich
khdi tron xoay tao thanh khi quay tam giac OMH quanh truc Ox . Véi V = 2V, ta co gia tri

a= 3 9 \ N 7 r ~

Cho mot Vé_i:[ thé c6 dang hinh try véi chiéu cao va bén’kinkl cung bang R. Cat khf)i g~6 do6 boi
mot mat phang di qua du’(‘)’qg kinh cﬁat mot day cua khoi go va taorv(yi dfély Sﬁa khoi go d6 mot
goc 30° ta thu duoc hai khoi go c6 thé tich 1a V), V, voi V), <V,. Gan khoi go c6 dang hinh ném
vao h¢ truc toa d¢ nhu hinh v€ dudi day. Xét tinh ding sai cua céac khéng dinh sau

a) Nira duong tron duong kinh AB ¢6 phwong trinh 1a y =+ R* —x* véi —-R<x<R.

b) MN =V R* —x*.

¢) Dién tich tam gidc MNP bang

3
o= BE

R _ 2

23
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Cau 5.

Mot vit trang tri c6 dang mot khdi tron xoay duoc tao thanh khi quay mién (R) (phan gach chéo
trong hinh v&) quanh truc MN . Biét raing ABCD 1a hinh chit nhat véi AB=6cm, AD=10cm
, M, N lan luot 1a trung diém ctua AB , CD, hai duong cong 1a dudng elip c6 hinh chit nhat co s&
la ABCD va duong tron tiép xtic v6i hai canh 4D va BC (tham khéo hinh v&). Xét tinh ding sai
cua céc khang dinh sau

2 2

a) Phuong trinh cua elip 1a IXE + 2=,

36
b) Phuong trinh duong tron 1a x* +3y* =9.
¢) Quay dudng elip quanh truc MN tao ra khi tron xoay co thé tich 1a 607r(cm3) .
d) Thé tich cua vat trang tri 1a ¥ =75,4cm’ .
A,

M

8

PHAN III. CAU TRAC NGHIEM TRA LOI NGAN
Hoc sinh tra 101 tir cau 1 dén cau 3.

Cau 1.

Cau 2.

Cau 3.

Cho hinh thang ABCD ¢6 AB song song CD va AB = AD = BC =a,CD =2a. Thé tich khéi
tron xoay khi quay hinh thang ABCD quanh tryc 14 dudng thing AB bang ma . Tinh m (lam
tron dén hang phan tram)

Mot cde thay tinh hinh try, ban kinh trong 1ong day cbc 13 6 cm, chiéu cao trong long cbc 1a
10 cm dang dyng mdt lugng nude. Tinh thé tich lugng nude trong cbe, biét khi nghiéng cbe nudce
vira luc nudc cham miéng cdc thi day cia myuc nudc tring véi dudng kinh day (tham khao hinh
veE)

.....

e

Dé chuan bj hdi trai do Poan truong td chire, 16p 124 dung mdt céi 18u trai co dang hinh
parabol nhu hinh vé.
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Nén cua 18u tai 14 mot hinh chix nhat ¢6 chiéu rong bﬁng 3m va chiéu dai bﬁng 6m , dinh trai
cach nén 2m . Tinh thé tich phan bén trong leu trai.

5. PHUONG TRINH TONG QUAT CUA MAT PHANG
PHAN I. CAU TRAC NGHIEM NHIEU PHUONG AN LUA CHON

Cau 1.

Cau 2.

Cau 3.

Cau 5.

Cau 6.

Cau 7.

Cau 10.

Cho hinh lap phuong ABCD.A'B'C'D'. Vecto niao 1a mot vecto phap tuyén cua mat phing

(4BCD)?

A. AC. B. AC'. C. A4 . D. AD'.

Trong khong gian Oxyz , cho mit phing (P):x+y+z-3=0 di qua diém nao dudi day:
A M (-1;,-1;-1). B. N(LL1). C. P(-3;0;0). D. 0(0;0;-3).

Trong khong gian Oxyz cho mit phang (a):3x+2y—4z+1=0. Vecto nao du6i day la mot vec
to phép tuyén cia (c)?

A. m, =(3;2;4). B. n,=(2-4;1).  C.n =(3-41). D. n, =(3;2;-4).
Trong khong gian Oxyz, cho mit phing (P) di qua diém A(0;-1;4) va co6 mot vec to phap
tuyén n = (2;2;-1). Phuong trinh cta (P) la

A 2x-2y—-z-6=0. B. 2x+2y+z-6.

C. 2x+2y-z+6=0. D. 2x+2y—-z-6=0.

Trong khéng gian Oxyz, cho ba diém A(3;2;1), B(-1;4;1),C(3;-2;5).. Toa d6 nao sau day la
toa do vecto phap tuyén clia mét phang (A4BC)?

A. (1;2;2). B. (8;-16;16). C. (-1;2-2). D. (1;4;4).

Trong khong gian Oxyz, phuong trinh mit phing di qua ba diém A(-2;0;0),B(0;3;0),
C(0;0;1) 1a

A Z+Z 2o, B. —+2+2-1. c.Z+2+220. ) JERAE S
2 3 1 -2 3 1 2 3 1 2 3 1
. £ 5 < 4 x y z .
Vecto phap tuyén ciia mat phang T+5+§=1 la
A. n =(6;3;2). B. n, =(6;2;3). C. n,=(362). D. n, =(2;3;6).
Trong khong gian Oxyz , phuong trinh cia mit phiang (Oxz) la
A. x+z=0. B. y=0. C.z=0. D. x=0.
Trong khong gian Oxyz , hinh chiéu vudng goc ctia diém M (3;4;-2) 1én mt phang (Oxz) ¢6
toa la:
A. 0(3;0;0). B. G(3;4;0). C. E(0;4;-2). D. F(3;0;-2).

Trong khong gian Oxyz, cho ba diém 4(3;-2;-2),B(3;2;0),C(0;2;1). Phuong trinh mit
phang (4BC) 1a
A. 2x-3y+6z+12=0.B. 2x+3y—-6z-12=0.
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C.2x-3y+6z=0. D. 2x+3y+6z+12=0.

PHAN II. CAU TRAC NGHIEM PUNG SAI

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Trong khong gian Oxyz , cho mit phing (P):3x+y—z-12=0.

a) Mit phang (P) c6 mot vécto phap tuyén la n= (3:1;-1).

b) Mit phang (P) di qua diém A(5;3;-6).

¢) Cho diém M (a;b;1) thudc mit phang (P). Khi d6 3a+b=-13

d) (P) cét truc Ox tai A, cit truc Oz tai B. Chu vi tam gidc OAB béng 12.

Trong khong gian Oxyz, cho ba diém 4(-1;0;1), B(3;2;1), C(5;3;7).

a) AB=(4;2;0).

b) Néu / la trung diém doan thing AB thi 1(2;1;0).

c) Mat phang trung truc cia 4B 1a 2x+y—-3=0.

d) M (a,b,c) thod man MA = MB . Khi d6 min(MB+MC)=BC.

Trong khong gian Oxyz, cho ba diém A(1;6;0), B(-2;2;-1), C(5-13) va
(P):x+y+z—6=0.

a) Mot vecto phép tuyén cua (P) la n= (LL1).

b) Phuong trinh mit phing (Q) qua 4 va vudng géc véi BC c6 phuong trinh
3x-3y+4z+15=0.

¢) Phuong trinh mit phéng (ABC) c6 phuong trinh 1a 19x -5y -37z+11=0.

d) M (a,b,c) thuoc(P):x+y+z-6=0 vacich déu cac diém A4, B,C . Tich abc =6.

Hinh vé mdt khu nha dang xay dung dugc gan hé truc toa d0 Oxyz . Moi cdt bé tong c6 dang

hinh lang tru tr gidc déu va tim cua mit day trén lan luot 1a cac diém 4(2;1;3), B(4:3;3),

C(6;3;%), D(4;0;%). Khi do

a) Mit phang (A4BC) c6 mot vecto phap tuyén 1a n= (,-1,4).

b) Phuong trinh mit phing (ABC):—x+y—4z-13=0.

c¢) De(4BC).

d) (4BC) cét Ox, Oy tai diém M,N.Khidé MN =13.

Khoi rubik dugce gan voi hé toa 40 Oxyz cd don vi bang d6 dai canh cua hinh 1ap phuong nhé.
Xétbon diem 4(3;0;0), B(0;3;0), C(0;0;2), D(3k;3k;2k)véi k>0 dong phing.
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Cau 1.

Cau 2.

Cau 3.

0
a) Thé tich khéi rubik 12 27 (don vi thé tich).
b) Vecto AC = (3;0;,-2).
¢) Mit phing (A4BC) c6 phuong trinh 1a 3x+3y+2z-6=0.
d) Véi D(a;b;c) thi a+2b+3c=5.
PHAN III. CAU TRAC NGHIEM TRA LOI NGAN

Mot phén san truong dugc dinh vi boi cac diém A4,B,C,D nhu hinh v&
A 2hm B

15m

| Brii

D

C
Budc dau ching duoc 14y "thiang bang" dé co cung do cao, bi‘ét ABCD 1a hinh thapg vuong & 4
va B v6idg dai AB=25m,A4AD =15m, BC =18m. Do yéu cau ki thuat, khi 14t phang san truong
phai thoat nuéc & goc san & C nén ngudi ta 1ay d6 cao & cac diém B, C, D xudng thap hon so voi
ddcao ¢ 4 1a 10cm,acm,6cm tuong ung. Tinh gia tri cua a.

Mot san van dong duoc xay dung theo md hinh 1a hinh chép cut OAGD.BCFE c¢6 hai day song
song v&i nhau. Mat sain OAGD 1a hinh chit nhat va dugc gan h¢ truc Oxyz nhu hinh v€ dudi
(don vi trén mdi truc toa do 1a mét). Mat sain OAGD c¢6 chidu dai 04 =100 m, chiéu rong
OD=60m va toa do diém B(10;10;8). Gia sir phuong trinh mit phing (OACB) c6 dang
ax+y+cz+d=0.Tinh a+c+d (két qua viét dudi dang s6 thap phan va lam tron dén hang
phan chuc).

O

Trong khong gian véi hé truc toa do Oxyz . Cho diém M (1;2;3). Mit phang (P) di qua M cét
céc tia Ox,0y,Oz lan luot tai céc diém 4,B,C (4,B,C # O) sao cho thé tich tr dién OABC
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nhé nhat. Tinh khodng céach tir diém O dén mit phang (P) (lam tron két qua dén hang phan

tram).

6. VI TRIi TUONG POI CUA MAT PHANG, KHOANG CACH
PHAN I. CAU TRAC NGHIEM NHIEU PHUONG AN LUA CHON

Cau 1.

Cau 3.

Cau 4.

Cau 6.

Cau 7.

Cau 8.

Trong khong gian Oxyz , cho diém A(2;—1;-3) vamit phing (P):3x-2y+4z-5=0.Goi (Q)
1a mit phang di qua 4 va song song véi mét phang (P). Mt phang (Q) c6 phuong trinh la:
A.3x-2y+4z-4=0. B. 3x-2y+4z+4=0.
C.3x-2y+4z+5=0. D.3x+2y+4z+8=0.
Trong khong gian Oxyz , mit phang (P) :2x+ y+2z-2=0 song song voi mit phang nao dudi
day?
A )c+l —lz—l—O B. x—-y-z-2=0

A s . LX—y .
C.4x+2y+2z+4=0. D. 2x+y+z-2=0.
Trong khong gian véi hé toa dd Oxyz, cho mit phing (P) 6 phuong trinh
mx+(m—1)y+z-10=0 va mit phing (Q):2x+y—2z+3=0. Véi gid tri ndo cia m dudi
day thi (P) va (Q) vudng goc v6i nhau
A.m=-2. B.m=2. C. m=1. D. m=-1.
Trong khong gian voi hé toa dd Oxy, cho mit phang (P) c6 phuong trinh: 3x+4y+2z+4=0
va diém A(1;-2;3) . Tinh khoang cach d tir 4 dén (P).

5 5 5 J5

A.dz;. B. d C.d=——. D.d=—.

29 J29 3
Trong khong gian Oxyz khoang cach giita hai mdt phang (P):x+2y+3z-1=0 va
(Q):x+2y+3z+6:O la

A= B . C. 14. D. .

i N 12

Trong khong gian Oxyz ,cho M thugc truc Oy va cach déu hai mat phang: (P):x+y—z+1=0
va (Q):x—y+z—5 =0 cotoadd la

A. M (0;-3;0). B. M (0;3;0). C. M (0;-2;0). D. M (0;1;0).

Trong khong gian hé toa d§0 Oxyz , 1ap phuong trinh cdc mdt phdng song song v4i mat phang
(B):x+y—z+3=0 vacach () mot khoang bing V3.

A x+y—z+6=0;x+y—-z=0. B. x+y-z+6=0.
C.x-y—-z4+6=0x—y—-z=0. D. x+y+z+6=0;x+y+z=0.

Trong khong gian Oxyz, cho hai mat phing (P): 4x+By+CZ+D, =0,
(0): A,x+ B,y +C,Z + D, =0 lan lugt c6 vecto phap tuyén n, =(A4;B,;;C,) va n, =(4,;B,;C,)
. Mt phang (P) vudng goc véi mat phang (Q) khi va chi khi

A.nm=n,. B. n =kn,. C.n Ln,. D. n, #kn, .

Trong khong gian Oxyz, cho hai mat phang (P):Ax+By+CZ+D, =0,
(0): A,x+B,y+C,Z + D, =0 lan lugt c6 vecto phap tuyén n, =(4;B,;;C,) va n, =(4,;B,;C,)
. Mit phing (P) song song v6i mit phing (Q) khi va chi khi
n =kn,

. D.nTiknj.
D, # kD,

A n=n,. B. n, =kun, . C.{
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Cau 10. Trong khong gian v&i hé truc toa 46 Oxyz, cho A(1;2;3), B(3;4;4). Tim tat ca cac gia trj cla

tham s6 m sao cho khoang cach tir diém 4 dén mat phang 2x+ y+mz—1=0 bang do dai doan
thang AB.
A.m=2. B.m=-2. C. m=-3. D. m=12.

PHAN II. CAU TRAC NGHIEM PUNG SAI

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Trong khong gian Oxyz , cho diém M (1;3;—2) va mitphang (&):2x+y—z+5=0.Chon Ding
hodc sai trong moi y sau:

a) Mit phing () c6 phuong trinh 2x+y+z-3=0 di qua diém M va song song mit phing
(a).

b) Mit phing (y) c6 phuong trinh x -3y —z+2024=0 vudng gbc véi mit phiang ().

c) Mit phing (P) di qua diém M , song song truc Ox va vudng goc véi mit phing (a) c6
phuong trinh 1a y+z-1=0.

d) C6 hai mit phang song song mit phing (a) va cach diém M mot khoang bang N
Trong khong gian Oxyz, cho mit phang (P):(4—a)x—(a+3)y+z+1=0 va mit phing
(Q):3x—4y+z+3 =0.

a) Mit phang (P) va mit phing (Q) song song v6i nhau khi a=1.

b) Mit phing (P) va mit phang (Q) vudng gbc voi nhau khi a=2.

c) Khong c6 gia tri nao cua a dé hai mat phang trén trung nhau.

d) Mit phang vudéng goc véi ca hai mit phang trén ¢ vecto phéap tuyén 1a 7 = (l; -1, —7) .

Trong hé truc toa d0 Oxyz, cho hai mit phang (P):2x-2y+z+1=0 va
(0):2x—2y+z-5=0 vacac diém A(0;1;1), B(2;0;1).

a) Hai mat phang (P) va (Q) song song nhau.

b) Khoang cach d( ,(Q))

¢) Khoang cach d((P),(Q))

d) Cho biét diém C e(P) va dudng thang BC tao v6i mit phang (P) géc 30°. Khi d6 ta c6

=l

khoang cach BC =

Hai dua tré dang ch01 V61 mot qua bong. Beé gai ném qua bong cho bé trai. Qua bong di chuyén
trong khong khi, udn cong 3m vé bén phai va roi cach bé gai 5m (xem hinh sau).

A =

L C
Olw0.00
’I\- B
Biét mit phang chira quy dao ciia qua bong vudng goc voi mat dat va phuong trinh téng quat cua
n6 c6 dang ax+by+c=0.
Xét tinh Pung, Sai ctia cac ménh dé sau:
a) Toa do cua diém C(0;4;0).
b) Toa do cta diém B(4;3;0).
¢) Phuong trinh mit phang chitra quy dao ciia qua bong 1a 4x—3y+z=0.
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Cau 5.

d) Giatri a+b+c=1.

Hinh bén dudi minh poa hinh anh hai mai nha ctia mot nha kho trong khéng gian v6i h¢ toa do
Oxyz (don vi trén moi truc toa do 1a mét). Cac burc tuong cua nha kho déu duge xay vuong goc
v6i mat dat.

Biét ring toa d cua diem P(a;b;c).

B(10, 20.10)

(0, 20,10)
Q(5,20,7

A(10,0,9)

\ (0.0, ¢
R

Q(0,0.0)

Xét tinh Plng, Sai ctia cac ménh dé sau:
a) Phuong trinh mit phing (4BQ) c6 dang: —60x -5y +100z-300=0.

b) Phuong trinh mét phing (CDQ) c6 dang: 60x—5y+100z+900=0.
¢) Toa d6 cua diém P(5;0;6).
d)Giatri a+b+c=11.

PHAN III. CAU TRAC NGHIEM TRA LOI NGAN

Cau 1.

Cau 2.

Biét goc quan sat ngang clia mot camera 1 116°. Trong khong gian Oxyz , camera duoc dat tai
diém A(2;1;5) va chiéu thing vé phia mit phing (P):2x—y—2z+13=0. Hoi ving quan st
duogc trén mit phing (P) ctia camera 13 hinh tron c6 dudng kinh bang bao nhiéu? (lam tron két

qua dén chir s6 hang phan chuc)

S,

{ry

Trong tiét thé duc hoc vé k¥ thuat chuyén bong hoi, Nam va An dang tap chuyén bong cho nhau,

Nam ném bong cho An dg, qua bong bay 1én cao nhung lai 1éch sang phai cia Nam va roi xuong
vitri cdch An 0,5m va cach Nam 4,5m dugc mo ta bang hinh vé bén dudi.

Y

S

o®
"
i
O

X
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Cau 3.

s . . 1
Biét rang quy dao cia qua bong nam trong mat phang (a) rax+ 5 y+cz+d =0 va vudng goc

v6i mat dat. Khi d6 gid tri cia a+c+d bang (két qua 1am tron dén hang phan chuc).
Trong khong gian Oxyz cho cac diém A(2;0,0),B(0;4;0),C(0;0;6),D(2;4;6). Goi (P)lamit
phang song song véi mit phing (A4BC), (P) cach déu D va mit phang (ABC). Phuong trinh
mit phing (P) 1a ax+by+2z+d =0 v6i a,b,d € Z. Gid tri clia d bing bao nhiéu?

©3 HET
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