Dé 6n kiém tra ki 2 -Toan 12 — Nam hoc 2025-2026 — C6 oi gidi chi tiét Truong Ngoc Vi 0978 333 093
PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

PESO 1
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét

phuong an.

Caul. Goi F(x) la mot nguyén ham cia ham sb f(x):ZX—% thoa man F(1)=1. Tinh F(-1).
A. F(-1)=1. B. F(-1)=2. C. F(-1)=-1. D. F(-1)=0.

Cau2. Cho ham s f(x) lién tuc trén [a;c] va b 1a so thyc tiy ¥ thudc doan [a;c]. Néu biét

f (x)dx =-5 va j f (x)dx =10, thi gia tri cua
b

D C—y O

f (x)dx la bao nhiéu?

D C— T

A. 5. B. 5. C. 15. D. -15.
Cau 3. Dién tich hinh phang duoc giéi han boi d6 thi ham sé y = f(X), truc hoanh, truc tung va

duong thang Xx=a, a> 0( phan t6 ddm trong hinh v&) dugc tinh theo cong thirc

Ay y = f(x)

(I

A. S:jf(x)dx—jf(x)dx. B. S:—jf(x)dx.
C. S:—jf(x)dx+jf(x)dx. D. S:jf(x)dx+jf(x)dx.

Cau 4. Dién tich hinh phang gi¢i han boi do thi cua cac ham s6 y=|Inx|,y =1 duoc tinh boi cong

thuec:
A.S :Jl"(|ln x|—1)‘dx B.S :Jl'(1—|ln X| )
C.S :ﬂ(l—un x])|dx D. S :!(||n x| 1) dx
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Cau 5. Khi cit vat thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh do 1a x, (0<x<3) ta

duoc mit cit 1a mot hinh vudng c6 canh 1& v9—x? (dwoc mé hinh héa bsi hinh vé bén dudi). Thé tich

cta vat thé d6 bang

S() |

AT

[ > % .
0 \ 9— a7

A 171r. B.171. C. 18r. D. 18.
Cau6. Thé tich hinh khéi do hinh phang gi6i han Dboi cac duong y=x*-4,
y =2x—-4, x=0, x =2 quay quanh truc Ox bang:

‘Y

e
Ls

=N\

4167 o, 1521 c Bor. o 3=

15 5 15 5

Cau 7. Cho hai bién c6 A va B. Xéc suat cia bién cd A vai diéu kién bién ¢ B d4 xay ra duoc goi

A

la x4c suat ciia A véi diéu kién B, ki hiéu 12 P(AlB). Chon khang dinh dtng trong cac khang dinh sau

day
A Néu P(A)>0 thi P(AIB)= P;?/S). B. Néu P(B)>0 thi P(AIB)= PFE(ABB)).
C. Néu P(B) >0 thi P(AIB):%. D. Néu P(A)>0 thi P(AIB)= F’FE(ABB)),

Cau 8. Cho haibiéncé A B thoamén P(B)=0,2P(A/B)=0,5; P(A|§):o,3. Khi d6, P(A) bing

A. 0,34. B. 0,31. C. 0,46. D. 0,15
Cau 9. Khi dat hé toa do Oxyz vao khdng gian vai don vi trén truc tinh theo kilomét, ngudi ta thy rang
mot khong gian phu song dién thoai c6 dang mot hinh cau (S) (tdp hop nhitng diém nam trong va nim
trén mit cau twong Gng). Biét mit cau (S) co phuong trinh X2+ y? +z° —4x—-2y-82+5=0. Khoang
cach xa nhat giita hai diém thudc viing phu séng 1a

A. 10 kilémét. B. 8 kilomét. C. 5 kilémét. D. 4 kilémét.
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Cau 10. Trong khong gian Oxyz, cho mit phang (P) ¢6 phuong trinh x—3y—2z+8=0. Vecto ndo sau
day 1a mot vecto phap tuyén ctia mét phang (P)?
A n(L-31). B. n,(L-3-1). C. n,(L-38). D. n,(L3;8).

Cau 11. Trong khong gian Oxyz, cho hai diém A(1;,-2;3) va B(3;1;1). Dudng thang AB c6 phuong

trinh 14
A x—1:y+2:z—3. B x—4:y+1:z—4.
4 -1 4 1 -2 3
C. x—1:y+2:z—3 D. x—2:y—3:z+2.

2 3 -2 1 -2 3
Cau 12. Trong khdng gian Oxyz, goi a la goc giira hai duong thing AB, CD. Khing dinh nio sau day

la khang dinh diing:
ABCD ABCD
. o =7 . =
A. CcOS ‘ ‘ B. cosa
‘ABHCD‘ ABHCD‘
C. cosa = @ D. cosa = &B—Ci]‘
‘[AB,CD] ‘ABHCD‘

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
dung hoac sai.

Caul. Mot em hoc sinh dang diéu khién xe may chay trén duong thang véi van téc 10 m/s thi phat
hién chuéng ngai vat 16n trén dudng cach d6 50 mét. Hoc sinh phan tng hai gidy sau d6 bing cach dap
phanh cho xe dirng lai. Ké tir thoi diém ndy, xe may chuyén dong cham dan déu voi gia toc a=—-2 m/s®.
a) Sau khi dap phanh 5 gidy thi xe dung lai.

b) Sau khi dap phanh, phuong trinh van téc chuyén dong cua xe 1a v(t)=-2t+12 (m/s), vi t la thoi
gian tinh bang gidy, ké tir lac dap phanh.

¢) Quang duong xe di duoc tir khi phat hién chudng ngai vat dén khi dap phanh 1a 20 mét.

d) Khi xe dung, khoang cach gilra xe va chudng ngai vat khong qua 3 mét.

Cau2. Chohamsé f(x)=x*—3x*+2x c6 dd thi nhu hinh v& bén.

| Y
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a) Jl'f'(x)dx:o.

b) Goi F(x) la mot nguyén ham cua ham sé f (x), khi dé F(x):J' f(x)dx.
c) Dién tich hinh phang gisi han bsi d thi ham s6 y = f (x), truc hoanh va hai duong thang x =0, x =2
la [ f(x)dx.

0

d) Goi (D) la hinh phang gisi han bsi do thi ham s6 y = f (x), truc hoanh, truc tung va duong thing

x =1. Thé tich khdi tron xoay dugc tao thanh khi quay (D) quanh truc hoanh dugc tinh theo cong thic

ﬂjfz(X)dX

0
Cau 3. Ban Minh Hién chon ngiu nhién mot bong deén led trén quay. Trén quay c6 hai loai dén mau
tring va mau vang cé hinh thic va kich thudce nhu nhau. Trong d6 mau triang chiém 60%. Bong dén mau
tring c6 ti 16 hong 1a 3%, bong dén mau vang co ti 1& hong 1 2%. X4c suat d&é ban Minh Hién chon dugc
a) Mot bong dén mau vang 1a 0,6.
b) Mot bong dén khdng hong, biét né mau trang 1a 0,98.
¢) Mot bong dén khong hong, biét né6 mau vang la 0,97 .
d) Mot bong den khdng hong 1a 0,974 .
Cau 4. Mot dai kiem soat khong luu tai san bay c6 nhiém vu kiém soat, diéu hanh hoat dong bay cia
may bay trong vong ban kinh 70km . Dé theo ddi hanh trinh cia may bay, ta c6 thé thiét 1ap hé truc toa do
Oxyz c6 gbc toa @6 O tring voi vi tri trung tdm cua kiém soat khéng Iru, mit phang (Oxy) tring voi
mit dat (dugc coi 12 mit phang) voi truc Ox hudng vé phia tay, truc Oy hudng vé phia nam va truc Oz
huéng thiang ding 18n troi va don vi do dai trén mdi truc toa do 1a 1km . Mot may bay truc thing dang &
vi tri A(—65;-25;30) bay theo huéng Tay Nam v&i do cao khong doi, van toc khong dbi 200km/h, quy
dao bay theo duong thang.
a) Khi may bay & vi tri A(—65;-25;30) thi dai kiem soat khong luu ciia san bay da theo ddi dugc méy
bay.
b) May bay di chuyén theo huéng Tay Nam voi quy dao bay 1a dudng thing d c6 phuong trinh:

X=—-65+t
y=-25+t.
z=30

¢) Thoi gian may bay di chuyén trong pham vi dai kiém soat khong Iwu ciia san bay theo ddi duoc 1a 35
phat.

d) Ving kiém khong luu cua dai kiém sodt trén 1a ving & bén trong va trén bé mat ciia mat cau (S) co

phuong trinh: x* + y? +2° = 4900.
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PHAN III. (3 diém) CAu trac nghiém tra loi ngan. Moi ciu héi thi sinh chi tra 1oi dap 4n.

Cau 1. Hinh bén minh hoa mat cat ding cua mot con kénh dat trong hé truc toa dd Oxy . Pay cta con
kénh 1a mot dudong cong AOB cho bai ham sb bac ba c6 dang y = f (x) =ax® +bx? +cx+d . Hay tinh
dién tich hinh phang t6 dam trong hinh V&, biét don vi trén mdi truc toa do 1a mét va d6 thi ham sb
y = f(x) nhan gdc toa d O va diém B 1a cac diém cuc tri. Viét két qua lam tron dén hang don vi cia

m?.

10| . x

Traloi: ...l

Cau 2. Mot hinh cau c6 ban kinh 6 dm, ngudi ta cat bé hai phan bang hai mat phang song song va ciing
vudng goc voi duong kinh dé 1am mat xung quanh caa mét chiéc lu chira nude (nhu hinh v&). Tinh thé
tich V (lit) ma chiéc lu chira duoc, biét mat phang cach tm mat cau 4 dm (1am tron dén hang don vi cua
Iit).

Traloi: ....................
Céau 3. Mot nhdm ¢ 5 hoc sinh nam va 4 hoc sinh nir tham gia lao dong trén san truong. Co gido chon
ngau nhién dong thoi hai ban trong nhom di tudi cdy. Tinh x4c suat dé hai ban duoc chon cé cling gidi

tinh, biét rang c6 it nhat mot ban nam duoc chon. (Két qua 1am tron dén hai chir sé thap phan).

Traloi: .....ooooevviennnn,
X=1+2t

Cau 4. Trong khong gian Oxyz, cho duong thing A c6 phuong trinh {y=-1+3t. Biét ring diém
z2=2-t

M (3;a;b) thuoc A. Khi d6 tong tung do va cao do cua diém M bang bao nhiéu?

Traloi: ....................

Cau 5. Hinh vé bén dudi minh hoa mot nha kho trong khong gian véi hé truc toa @6 Oxyz (don vi trén
mbi truc la mét) va hai mai EFIK, HGIK c6 kich thudc bang nhau. Biét riang chiéu cao caa nha kho Ia

O9m va cac buc twong cua nha kho tao thanh hinh hop chir nhat ABCD.EFGH véi
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AB =10m, AD = 24m, AE =7m . Mat phang (EFIK) co phuong trinh ax+y+bz+c=0. Tim gié tri cua

a—hc.

Traloi: ....................

Cau 6. Trong khdng gian véi hé truc toa @6 Oxyz (vai don vi do trén cac truc toa do la ki-16-mét). Mot
khinh khi cau tir vi tri diém A(-16;—-10;10) bay thiang dén vi tri diém B(24;20;0) hét 10 gio. Biét tram
Kiém soat khong luu dat ¢ vi tri géc toa d0 O kiém soat duoc cac vat thé cach tram mot khoang toi da
bang 12 km. Thoi gian ké tir khi tram kiém soat khong luu phat hién ra khinh khi ciu dén khi khinh khi
cau ra khoi ving kiém soat 1a bao nhiéu phut?

Traloi: ....................
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LOT GIAI CHI TIET
PE SO 1
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt

phuong an.

Caul. Goi F(x) la mot nguyén ham cia hamsé f (x)= ZX—% thoa man F(1)=1. Tinh F(-1).

A F(-1)=1. B. F(-1)=2. C. F(-1)=-1. D. F(-1)=0.
Lo giai
Chon A.
1
Taco: | f dx =] 2x—=ldx = x* -1 C.
acoJ' (x)dx j(x X]x x? —In|x|+

= F(x)=x*=In|x|+C

Vi F(1)=1=C=0

Vay mot nguyén ham ciia ham s f (x):ZX—% thoa man F(1)=11a = F(x)=x*-In|x|.

Do d6 F(-1)=1.

Cau2. Cho ham s f(x) lién tuc trén [a;c] va b 1a so thyc tiy ¥ thudc doan [a;c]. Néu biét

f(x)dx=-5 va [ f(x)dx =10, thi gid tri ctia [ f (x)dx 12 bao nhiéu?
b

a

D — T

A. 5. B. -5. C. 15. D. -15.
Loi giai
Chon A.

Vi beaic] nén jf(x)dx:if(x)dx+if(x)dx:_5+1ozs.

Cau 3. Dién tich hinh phang duoc giéi han boi d6 thi ham sé y = f(X), truc hoanh, truc tung va

duong thang Xx=a, a> 0( phan t6 ddm trong hinh v&) dugc tinh theo cong thirc

P oy=fw
I \J

A. S:jf(x)dx—jf(x)dx. B. S:—if(x)dx.
C. S:—jf(x)dx+jf(x)dx. D. S:jf(x)dx+jf(x)dx.
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Loi giai

Chon A.

Dién tich hinh phang: S = [| f (x)|dx = [| f (x)|dx+ [|f (x)[dx = [  (x)dx— [  (x)dx
0 0 c 0 c

Cau 4. Dién tich hinh phang gi¢i han boi do thi cua cac ham s6 y=|Inx|,y =1 duoc tinh boi cong

thac:
A S :Je"(|ln x|—1)‘dx B.S :Je'(l—|ln X| o
1 1
C.S :j\(1—||n x])|dx D. S :i(||n x| 1) dx
1 1
Loi giai
Chon B.
1
. Inx=-1 X==
Xét phuong trinh. |In X| =l { & e
Inx=1 K—e

Khi d6: Dién tich hinh phang gi6i han béi do thi cua cac ham sé y =|Inx|, y =1 duoc tinh bsi cng thic:

‘1—|In x”dx = j(1—|ln X|Jox .
1

S:

LY S—N

Cau 5. Khi cit vat thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh do 14 x, (0<x<3) ta

duoc mit cit 1a mot hinh vudng c6 canh 1& v9—x? (dwoc mé hinh héa béi hinh vé bén dudi). Thé tich

cta vat thé do bang

S() |

AT

T

0 e
A 171r. B. 171. C. 18rx. D. 18.
Loi giai
Chon D.

Dién tich mat cat hinh vuéng: S =9—x?

Thé tich cua vat: V = JS'(9— xz)dx =18.
0

Cau 6. Thé tich hinh khéi do hinh phang gi6i han Dbdoi cac duong y=x*-4,
y =2x—4, x=0, x =2 quay quanh truc Ox bang:
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\
Yy
\

A Hor B. 1°%%. p. 327
15 5 5
Loi giai
Chon D.
Phuong trinh hoanh d6 giao diém 1a: x* -4=2x-4 < { - 5
X =

, — 2 2 2 32

Thé tich cua hinh khdi la: V =z [|(x* =4) —(2x—-4)dx ===
0

Cau 7. Cho hai bién c6 A va B. Xéc suat cia bién cd A vai diéu kién bién ¢ B d4 xay ra duoc goi

la x4c suat ciia A véi diéu kién B, ki hiéu 12 P(AlB). Chon khang dinh dung trong cac khang dinh sau

day
A.Néu P(A)>0 thi P(AIB)=tA5). B. Néu P(B)>0 thi P(AIB)=\AB).
P(A) P(B)
C. Néu P(B)>0 thi P(AIB) =) D. Néu P(A)>0 thi P(AlB)={AB).
P(A) P(B)
Loi giai
Chon B.
Cho hai bién c6 Ava B bét ki khi d6 néu P (B)> 0 thi P(Al B):—PFE(ABB)).

Cau 8. Cho haibiéncé A B thoamén P(B)=0,2P(A/B)=0,5; P(A|§):o,3. Khi d6, P(A) bing

A. 0,34. B. 0,31. C. 0,46. D. 0,15
Léi gii
Chon C.
Ap dung cong thirc x4c suat toan phan:
P(A)=P(A|B).P(B)+ P(A|§).P(§)
P(A)=0,5.1-0,2)+0,3.0,2=0,46
Cau 9. Khi dat hé toa do Oxyz vao khdng gian vaoi don vi trén truc tinh theo kilomét, ngudi ta thy rang

mot khong gian phil song dién thoai c6 dang mot hinh cau (S) (tap hop nhiing diém nam trong va nam
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trén mat cau twong ung). Biét mat cau (S) co6 phuong trinh x*+ y? +7? —4x—2y—-8z+5=0. Khoang
cach xa nhat giita hai diém thudc vling phu séng 1a
A. 10 kilémét. B. 8 kilomet. C. 5 kilomét. D. 4 kilomét.
Loi gidi
Chon B.

Mit cau (S) ¢6 ban kinh 1a R=+/a® +b? + ¢ —d =16 = 4.
Khoang cach xa nhat giita hai diém thudc viing phu séng 14 dudng kinh ctia mét cau nén chon dap an B
Cau 10. Trong khong gian Oxyz, cho mat phang (P) ¢6 phuong trinh x—3y—z+8=0. Vecto ndo sau
day 1a mot vecto phap tuyén ctia mét phang (P)?

A n(L-31). B. n,(L-3-1). C. n,(L-38). D. n,(L3;8).

Loi giai

Chon B.
Mt phing (P) c6 phuong trinh x—3y—z+8=0 thi c6 mot vecto phap tuyén 1a n, (1 -3;-1).
Cau 11. Trong khong gian Oxyz, cho hai diém A(1;,-2;3) va B(3;1;1). Dudng thang AB c6 phuong
trinh 14

x-1 y+2 7-3 x=4 y+1 z-4

A. . B.
4 -1 4 1 -2 3
C. x—1:y+2:z—3. D. x—2:y—3:z+2.
2 3 -2 1 -2 3
Loi gidi
Chon C.

Puong thing AB c6 mot vecto chi phuong 13 AB =(2;3;-2).

Cau 12. Trong khdng gian Oxyz, goi a la goc giira hai duong thing AB, CD. Khing dinh nio sau day

la khang dinh diing:
A. cosa :ﬂ. B. cosa = -@.
‘ABHCD‘ ABHCD‘
A8 O 78D
C.cosaq = ——. D. cosa = ——=.
‘[AB,CD] 8| |CD|
Loi giai
Chon A

Ap dung cong thiic ¢ 1y thuyét.
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PHAN II. (4 diém) CAu trac nghiém ding sai. Trong mdi y a), b), c), d) & mdi ciu, thi sinh chon
ding hoac sai.

Caul. Mot em hoc sinh dang diéu khién xe may chay trén duong thang véi van téc 10 m/s thi phat
hién chuéng ngai vat 16n trén dudng cach d6 50 mét. Hoc sinh phan tng hai gidy sau d6 bing cach dap
phanh cho xe dirng lai. Ké tir thoi diém ndy, xe may chuyén dong cham dan déu voi gia toc a=—-2 m/s?.
a) Sau khi dap phanh 5 gidy thi xe dung lai.

b) Sau khi dap phanh, phuong trinh van téc chuyén dong cua xe 1a v(t)=-2t+12 (m/s), vai t la thoi
gian tinh bang gidy, ké tir lac dap phanh.

¢) Quang duodng xe di duoc tir khi phat hién chudng ngai vat dén khi dap phanh 1a 20 mét.

d) Khi xe dung, khoang cach gilra xe va chudng ngai vat khong qua 3 mét.

Loi giai
A. B. C. D.
PUNG SAI PUNG SAI

a)Van toc ciia xe ké tir khi bat ddu dap phanh 1a v(t) = [(-2)dt =-2t+C.

Taco v(0)=10=-2.0+C=10<C =10.

Vay van toc v(t)=-2t+10.

Xe dung lai han sau khi dap phanh thi v(t)=0< -2t+10=0<t=5(s).

b)Vay van toc v(t)=-2t+10.

¢) T lic phét hién chuéng ngai vat dén khi dap phanh 1 2s nén quing duong di dugc 14 20m .
d)Quang dudong xe di duge ké tir khi bt dau dap phanh 1a S (t) = j (-2t +10)dt =—t* +10t+C'.
Tai thoi diém bat dau dap phanh ta c6 S(0)=0=C'=0.

Vay sau 5 gidy thi xe di duoc qudng duong 1a S (5)=-25+10.5=25m.

Cach khac tinh quang duong tir khi bt dau dap phanh dén khi xe ngirg han: S(t)= |(-2t+10)dt =25.

O

Vi khi phét hién chudng ngai vat em hoc sinh con di thém 2 gidy méi bat dau dap phanh nén sau khi méi
tong quang duong di duoc tir khi bat dau phat hién chudng ngai vat 1a 25+ 20 =45m
Suy ra khi xe ngtrng thi xe cach chudng ngai vat 5m.

Cau2. Chohamsé f(x)=x*—3x*+2x c6 dd thi nhu hinh v& bén.
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Yy

a) Jl'f'(x)dx:o.

0
b) Goi F(x) la mot nguyén ham cua ham sé f (x), khi dé F(x):J'f'(x)dx.

c) Dién tich hinh phang gisi han bsi d thi ham s6 y = f (x), truc hoanh va hai duong thang x =0, x =2

la [ (x)dx.

0

d) Goi (D) la hinh phang gisi han bsi @6 thi ham s6 y = f (x), truc hoanh, truc tung va duong thing

x =1. Thé tich khdi tron xoay dugc tao thanh khi quay (D) quanh truc hoanh dugc tinh theo cong thic

P j f? (x) dx
0
Loi giai
a) b) c) d)
PUNG SAI SAI PUNG

1 1
:(x3—3x2+2x)‘o =0.

0

a) Ta co: Jl'f "(x)dx = f(x)‘

b) Goi F(x) la mot nguyén ham cua ham sé f (x), khi dé F(x):J'f(x)dx.

c) Dién tich hinh phang gisi han bsi d thi ham s6 y = f (X), truc hoanh va hai duong thang x =0, x =2

2

la []f (x)|dx.

0

d) Goi (D) la hinh phang gisi han béi d6 thi ham s6 y = f (x), truc hoanh, truc tung va duong thang

x =1. Thé tich khdi tron xoay duogc tao thanh khi quay (D) quanh tryc hoanh dugc tinh theo cng thirc

ﬂjfz(X)dX.

0
Cau 3. Ban Minh Hién chon ngiu nhién mot bong deén led trén quay. Trén quay c6 hai loai dén mau
tring va mau vang cé hinh thic va kich thudce nhu nhau. Trong dé mau triang chiém 60%. Bong dén mau

trang co ti 1¢ hong 1a 3%, bong dén mau vang c6 ti 1é hong 1a 2%. Xac suat dé ban Minh Hién chon dugc
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a) Mot bong dén mau vang 1a 0,6.
b) Mot bong dén khdng hong, biét né mau trang 1a 0,98.
¢) Mot bong dén khong hong, biét né6 mau vang la 0,97 .

d) Mot bong den khong hong 1a 0,974 .

Loi giai
a) b) c) d)
SAI SAI SAI PUNG

a)Bong mau tring chiém 60% nén bong dén mau vang chiém 40%. Vay xac suat dé lay dugc bong dén
vang la 0,4.

b) Xét hai bién c6

A: “lay duoc bong dén mau trang 7.

B: “lay dugc bong dén khong hong”.

Khi d6 P(B|A)=1-3%=0,97.

c)Taco P(B |_A)=1—2%=0,98.

d)Taco P(B)=P(A).P(B|A)+P(A).P(B|A)=0,6.0,97+0,4.0,98=0,974

Cau 4. Mot dai kiem soat khong luu tai san bay c6 nhiém vu kiém soat, diéu hanh hoat dong bay cia
may bay trong vong ban kinh 70km . Bé theo dbi hanh trinh ctia may bay, ta c6 thé thiét 1ap hé truc toa do
Oxyz ¢6 gbc toa dd O tring véi vi tri trung tdm cua kiém so4t khong lwu, mit phang (Oxy) tring véi
mit dat (duoc coi 12 mit phang) voi truc Ox hudng vé phia tay, truc Oy hudng vé phia nam va truc Oz
huéng thiang ding 18n troi va don vi do dai trén mdi truc toa do 1a 1km . Mot may bay truc thing dang &
vi tri A(—65;-25;30) bay theo huéng Tay Nam v&i do cao khong doi, van toc khong d6i 200km/h, quy
dao bay theo dudng thang.

a) Khi may bay ¢ vi tri A(-65;-25;30) thi dai kiem soat khong luu ciia san bay da theo ddi dugc méy
bay.

b) May bay di chuyén theo huéng Tay Nam voi quy dao bay 1a duong thang d cé phuong trinh:

X=—-65+t
y=-25+t.
z=30

¢) Thoi gian may bay di chuyén trong pham vi dai kiém soat khong Iwu ciia sin bay theo ddi duoc 1a 35
phat.

d) Ving kiém khong luu cua dai kiém sodt trén 1a viing & bén trong va trén bé mat ciia mat cau (S) c6
phuong trinh: x* + y? + 2% = 4900.

Loi giai
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2 b) C) d)
SAl PUNG SAl DUNG
~ I
A.\ R e
\:‘:‘ E
e S
fo MRS
e P e
\\»-,,.",.,, EO | ""/,-‘"‘ -
X / 4 A E /;
e \‘ E /

2) Ta co OA=/(=65)° +(~25)° +30 ~ 75,8km

Khi may bay ¢ vi tri A(—65;-25;30) thi cach dai kiém soat khong luu cia san bay mot khoang
d = 75,8km > 70km

Viy dai kiém soat khong luu cua san bay khéng theo ddi dugc may bay.

b) Tir thong tin cua hé truc va may bay di chuyén theo huéng Tay Nam vé&i dd cao khong ddi, quy dao

bay theo duong thing. Nén duong thing d c6 mt vecto chi phuong U =(L10). Pudng thing d di qua

X=—-65+t
diém A(-65;-25;30) nén c6 phuong trinh tham s6: < y =—25+t
z=30

c) Thay X, Y,z theo t vao phuong trinh mat cau (S) ta duoc phuong trinh:

(—65+1)" +(~25+1)" +30? = 4900 < 2t* ~180t +850 = 0 = t =5 hoic t =85

Thay t =5 vao phuong trinh ciia dudng thing d ta dugc M (—60; -20; 30) :

Thay t =85 vao phuong trinh cia dudng thang d ta dugc N (20; 60; 30).

Suy ra dudng thang d cit mét cau (S) tai hai diém M (—60;-20;30) va N (20;60;30).

Hay d6 dai doan MN 1a khoang cach giita vi tri dau tién va vi tri cudi cing ma may bay di chuyén trong

pham vi theo ddi ciia dai kiém soat khong luru.

MN = /(60 +20)° +(20+60)° =80v/2km

Thoi gian mdy bay di chuyén trong pham vi dai kiém soat khong luu ciia san bay theo ddi duogc 14 thoi

gian may bay di chuyén duoc quang duong 80+/2km .

802
20

Thoi gian d6 bang 5 .60 ~ 33,94 phut.
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d) Ving kiém khong luu cia cua dai Kiém soat trén 13 tip hop nhiing diém cach tam O(0; 0; 0) khong
qua 70km. Hay tap hop céc diém & bén trong va trén bé mit cia mit cau (S) c6 phuong trinh:

X+ Yy +22 =70 = x>+ y* +2° = 4900 .

PHAN III. (3 diém) CAu tric nghiém tra 101 ngian. Mdi ciu héi thi sinh chi tra 10i dap an.

Cau 1. Hinh bén minh hoa mat cat ding cua mot con kénh dat trong hé truc toa dd Oxy . Pay cta con
kénh 1a mot dudng cong AOB cho bai ham sb bac ba c6 dang y = f (x) =ax® +bx? +cx+d . Hay tinh
dién tich hinh phang t6 dam trong hinh V&, biét don vi trén mdi truc toa do 1a mét va d6 thi ham sb
y = f(x) nhan goc toa d O va diém B 1a cac diém cuc tri. Viét két qua 1am tron dén hang don vi cia

m?.

10| . x

Traloi: .........ocoeeeae
Loi giai
Pap an: 42

Hamsb y=f(x)=ax® +bx? +cx ma f (0)=0=c=0

-1
: a=_—
Mit khdc | | (10)=300a+20b=0 ) 100
f(10)=5<1000a+100b=5 | _ 3
20

Do d6 f(x):—1x3+ix2 =5
100 20 x=10

f(x):5<:>—1x3+ix2 =5<
100 20 x =10

=5=["[5- 1(x)]dx~d2m?

Cau 2. Mat hinh cau c¢6 ban kinh 6 dm, ngudi ta cat bo hai phan bang hai mat phang song song va cling
vudng goc véi duong kinh dé 1am mat xung quanh ciia mot chiéc lu chira nude (nhu hinh vé). Tinh thé
tich V (lit) ma chiéc lu chira duoc, biét mat phang cach tm mat cau 4 dm (1am tron dén hang don vi cua
Iit).
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Traloi: ....................

Dap an: 771
The tich can tim la thé tich cua khdi tron xoay khi quay hinh phing (H) giéi han boi do thi ham so
f (x)=+36—X*, truc hoanh va cac duong thang x = —4, x =4 quanh truc hoanh.

=387 271 i,

Do d6: V :ﬂj(36—xz)d
-4

Céau 3. Mot nhom co6 5 hoc sinh nam va 4 hoc sinh nir tham gia lao dong trén san truong. C6 gido chon
ngau nhién ddng thoi hai ban trong nhom di tudi cdy. Tinh x4c suat dé hai ban duoc chon cé cling gidi
tinh, biét rang c6 it nhat mot ban nam duoc chon. (Két qua 1am tron dén hai chir sé thap phan).
Traloi: ....................
Loi giai
Pap an: 0,33
Goi A la bién c6 “Hai ban duoc chon c6 cling gidi tinh”
Goi B 1a bién ¢b “C6 it nhat mot ban nam duge chon”
= AB: “Hai ban duoc chon 1a nam”

2
Xac suat dé chon duoc hai ban nam 1a P(AB) = % =
9

S
18

cict ¢ s

X4c suét dé chon duoc it nhat 1 ban namP(B) =—=—+—>=—.
C Cy 6
p(Alg) =) 1 455
P(B) 3
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Xx=1+2t

Cau 4. Trong khong gian Oxyz, cho duong thang A cé phuong trinh {y=-1+3t. Biét rang diém
z7=2-t

M (3;a;b) thuoc A. Khi d6 tong tung do va cao do cua diém M bang bao nhiéu?

Traloi: ...l
Léi gii

Pap an: 3

Vi diém M (3;a;b) thudc A, nén ta co

3=1+2t t=1 t=1
a=-1+3teja=-1+3t=<a=2=M(32;1).
b=2-t b=2-t b=1
Vay a+b=3.

Cau 5. Hinh vé bén dudi minh hoa mot nha kho trong khong gian véi hé truc toa do Oxyz (don vi trén
mbi truc la mét) va hai mai EFIK, HGIK c¢6 kich thudc bang nhau. Biét ring chiéu cao caa nha kho Ia
O9m va cdc buc twong cua nha kho tao thanh hinh hop chir nhat ABCD.EFGH vGéi
AB =10m, AD = 24m, AE =7m . Mat phang (EFIK) co phuong trinh ax+y+bz+c=0. Tim gié tri cua

a—hc.

Traloi coooooeeevennnnn,
Loi giai
Pap an: 252
ABCD la hinh chit nhat, AB =10; AD =12 nén toa do diém B(10;0;0);C(10;12;0)
Hinh chiéu cta | trén mat phang (Oxy) 1a trung diém cua BC nén toa do diem 1(10;12;9)
Khi dé: E(0;0;7),F(10;0;7),1(10;12;9).
Phuong trinh mat phang (EFIK):y—-6z+42=0.

Suyra a—bc =252.
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Cau 6. Trong khong gian vai hé truc toa do Oxyz (vdi don vi do trén céc truc toa do 1a ki-16-mét). Mot
khinh khi cau tir vi tri diém A(-16;-10;10) bay thiang dén vi tri diém B(24;20;0) hét 10 gio. Biét tram
Kiém soat khong huu dat ¢ vi tri géc toa d0 O kiém soat duoc cac vat thé cach tram mot khoang toi da
bang 12 km. Thoi gian ké tir khi tram kiém soat khong luu phat hién ra khinh khi ciu dén khi khinh khi
cau ra khoi ving kiém soat 1a bao nhiéu phut?
Traloi: ....................

Loi giai
Dap an: 240

Vecto van toc:

AB = (40;30;-10) = V = %m (431,

X =-16+4t
Phuong trinh duong thang AB:{y=-10+3t
z=10-t

Pham vi kiém soat khong Iuu 1a khdi cau (S): x* + y* + 2% =144,
Giao diém ciia duong khinh khi cau bay (dudng thang AB) véi pham vi kiém soat (mit cau (S)):

(=16 — 4t)? + (=10 + 3t) + (10— t)? =144 <> 26> — 208t + 312 =0

t=2 S
= L 5 = M (-8;-4;8),N(8;8;4) = MN = (16;12;-4) = 4V

Vay thoi gian khinh khi cau bay thang tr M dén N la 4h =240

https://www.facebook.com/truongngocvy8/ Trang 18


https://www.facebook.com/truongngocvy8/

Dé 6n kiém tra ki 2 -Toan 12 — Nam hoc 2025-2026 — C6 oi gidi chi tiét Truong Ngoc Vi 0978 333 093
PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

DE SO 2
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.
Caul. Hamso F(x) languyénhamcia hamsé f(x)=3x* va F(0)=5. Khido, himsé F(x) la
A. F(x)=3x*+5. B. F(x)=x*-5. C. F(x)=x+5. D. F(x)=6x+5.

Cau2. Cho ham sé y=f(x) c6 dao ham lién tyc trén doan [a;b] va f(a)=-1 f(b)=3. Khi d6

D C—y T

f'(x)dx béng
A. -3. B. 4. C. 4. D. 2.
Cau3. Cho ham sé y= f(x)lién tuc trén [a;b]. Dién tich hinh phing gi¢i han béi do thi ham sb

y=f (X) , truc hoanh va hai dudng thiang x = a; x = b duoc tinh bdi cong thirc ndo sau day?

A.S:ﬂif(X)dX. B. S:if(x)dx. C. S:j‘f(x)‘dx. D.S:jfz(x)dx.

Cau 4. Dién tich ctia hinh phang duoc giéi han béi do thi ham s6 y = f (x), truc hoanh va hai dudng
thing x=a,x=b (a< b) (phan t6 dam trong hinh V&) tinh theo cong thirc ndo dudi day ?

YA

A. S:jf(x)dx+if(x)dx. B. S:jf(x)dx.
C. S:—jf(x)dx+if(x)dx. D. S:if(x)dx
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Cau5. Thé tich vat thé tron xoay khi quay hinh phing gi6i han boi cac duong y=+/e*—x, y=0,

x=1, x=2 xung quanh truc Ox la

A. n(ez—e—gj. B. ez—e—g. C. n(ez—e—gj. D. ez—e—s

Cau 6. Biét mot nguyén ham cua ham s6 f (x)=sin’x la F(x)= X _sin2x

. Thé tich cua khdi tron

xoay gigi han boi d6 thi ham sé y =sinx, truc hoanh va hai duong thang x=0, x =7 khi quay quanh

truc Ox la:
Yy y=sinx
L
! \
N I 1 7’
s L
7 A Y 1 /.
S \ l' R 7:(\
~ \ ] '
SeON LT
SN\ ”
2 2
T T T T
A —. B. —. C. —. D. —.
4 2 2 4
Céau 7.

Cho A va B la hai bién ¢ bat ky. Khang dinh nao sau ddy ding?

A. P(AB)=P(A).P(B). B. P(AUB)=P(A)+P(B).

C. P(A\B):m. D. P(A)=P(A\B).P(B)+P(A\B).P(B)
P(AB) ' ' '

Cau 8. Cho bang dir liéu sau vé két qua xét nghiém mot loai bénh:
Duong tinh Am tinh
Bénh 120 30
Khong bénh 40 970

Néu mot ngudi co két qua xét nghiém duong tinh, xac suat ngudi d6 thuc su bi bénh 1a:
A. 3%. B.11%. C. 75%. D. 90%.
Cau9. Trong khong gian Oxyz, phuong trinh mit cau (S) c6 tdm 1(-1;2;1)va di qua diém

A(0;4;-1) la

A. (x+1)2 +(y—2)2 +(z+l)2 =3. B. (x+1)2 +(y—2)2 +(z—l)2 =9.

C. (x+1)"+(y-2)" +(z+1)" =9. D. (x+1)" +(y-2)"+(z-1)" =3.

Cau 10. Trong khong gian Oxyz cho dwomg thing d : X% _2y —ZLGZ. Véc to no dudi day 1a mot
véc to chi phuong ciia dudng thang d ?
A. u,=(2-1,3). B. u, =(4;2;,-6). C.u,=(-213). D. u, =(10;2).
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Cau 11. Trong khdng gian véi hé toa @ Oxyz , cho 3 diém A(4;0;0); B(0;—2;0);C(0;0;2) . Phuwong trinh

mit phang (ABC)Ia:

ALY 2 g B. Z+l+£:0. C.l+l+i:1. DXy Y 2.
4 2 - 4 -2 2 -4 2 =2 4 -2 2
x=1+4t
" " . e s 2 x=1 y+2 z . ,
Cau 12. Trong khong gian Oxyz , cho hai duong thang d, =" 1 vad,:qy=-1-2t.
- 7=2+2t

Khoang cach giita hai duong thang d4 cho bang bao nhiéu?

A. 2”;45. B. —“1674 C. %. D. %.

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon

ding hoac sai.

2
Caul. Goihamsd F(x)= 2xX—1 la mot nguyén ham cia hamsé f (x), véi x#0.
1
a) f(X):Z—?.
b) [ f (x _ 2 ‘1+c.
c) jF = f(x)+C.

d) IF x)dx =x*—In|x|+C .

Cau 2. Mot cong ty thiét ké mau huy hiéu dé ting cho khach hang than thiét ciia minh (xem hinh V&
bén dudi). Trong d6 ABCD Ia hinh vudng c6 canh bang4cm, cac duong cong AOD va BOC 1a mot
phan cta cac parabol dinhO. Vi hé truc toa dd Oxy ( don vi trén mdi truc toa do 1a cen-timet) thi
diém A c6 tung do bang 1. Biét phin t6 dam trong hinh v& dugc phi vang véi chi phi 1 mot triu
ddng/1cm?, phan con lai dugc phu bac vé6i chi phi 300 nghin dong/1ecm?, cac chi phi con lai 1a 500 nghin
dong.

n . b

a) Parabol chira duwong cong AOD c¢6 phuong trinh la y = %x
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2

b) Parabol chira duong cong BOC ¢6 phuong trinh la y = —%X .

¢) Dién tich phan t6 dam trong hinh v& 16n hon 5,5cm?.

d) Chi san xuat 1 chiéc huy hiéu trén nho hon 9,5 triéu dong.

Cau 3. Trudc khi dua mdt loai san pham ra thi truong, nguoi ta da phong van ngau nhién 200 khach
hang vé san pham d6. Két qua thong ké nhu sau: c¢6 105 ngudi tra 10i "s& mua"; c6 95 ngudi tra 1oi
"khéng mua”. Kinh nghiém cho thay ti 1& khach hang thyc su s& mua san pham twong Ung v&i nhing
cach tra 1oi "s& mua" va "khong mua" lan lugt 1a 70% va 30%. Goi A la bién c6 "Nguoi dugc phong

van thuc sy s mua san pham". Goi B 12 bién ¢d "Ngudi duoc phong van tra 101 s&¢ mua san pham".

a) X4c suat P(B):E Va P(E) _B
40 40

b) Xac suat c6 diéu kién P(A|B)=0,3.

c) Xac suat P(A)=0,51.

d) Trong sb nhitng ngudi duoc phong van thuc su s& mua san phim c6 70% ngudi d4 tra 1oi "sé mua"

khi dugc phong van (két qua tinh theo phan trim duoc 1am tron dén hang don vi).

Cau 4. Trong khong gian toa do Oxyz , cho diém A(5;-5;2) va mat phang (P):2x-3y+z+1=0.

a) Vecto n=(2;3;1) 1a mot vecto phap tuyén ciia mit phing (P).

b) Goi (d) 1a duong thing di qua diém A va vudng goc véi mit phang (P). Phuong trinh tham s6 cia

X=2+5t
dudng thang (d) 1a {y=-3-5t (teR).
z=1+2t

¢) Piém H (110) Ia hinh chiéu vuong géc cia diém A trén mit phing (P).

d) Khoang céach tir diém A dén mit phing (P) bing 214 .

PHAN III. (3 diém) CAu trac nghiém tra 101 ngian. Mdi cau héi thi sinh chi tra 1oi dap an.

Cau 1. Hinh bén minh hoa mat cat ding cua mot con kénh dat trong hé truc toa dd Oxy . Pay cta con
kénh 1a mot dudng cong AOB cho bai ham sb bac ba c6 dang y = f (x) =ax® +bx? +cx+d . Hay tinh
dién tich hinh phang t6 dam trong hinh V&, biét don vi trén mdi truc toa do 1a mét va d6 thi ham sb
y = f(x) nhan goc toa d O va diém B 1a cac diém cuc tri. Viét két qua 1am tron dén hang don vi cia

m?.

10| . x
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Traloi: ...
Cau 2. Cho cac nira duong tron nhu hinh vé sau, trong d6 duong kinh cia nira duong tron 16n gap doi

duong kinh cua nira dwong tron nho. Biét rang nira hinh tron duong kinh AB ¢6 dién tich la 327 va goc

BAC =30°. Biét thé tich vat thé tron xoay duoc tao thanh khi quay hinh phing (H) (phén t6 dam) xung

quanh duong thang AB bang ‘%” v6i a,be N va % la phan sb tbi gian. Tinh gia tri ctia a—50b.

30°
A B

Traloi cooooeeeevennnnn,
Cau 3. Mot binh dung 50 vién bi kich thudc, chét liéu nhu nhau, trong d6 ¢6 30 vién bi tring va 20
vién bi xanh. LAy ngau nhién ra mot vién bi, roi lai ldy ngau nhién ra mot vién bi nira. Tinh xac suat dé
liy dwoc mot vién bi tring & lan thir nhat va mat vién bi xanh & lan tht hai (két qua 1am tron dén hang
phan trim).

Traloi coooooeeevennnnn,

Cau 4. Hinh bén dudi minh hoa so 6 mot ngdi nha trong khéng gian Oxyz , trong d6 nén nha, bon birc
tuwong va hai méai nha déu 1a hinh chir nhat. Tinh s do goc ddc clia mai nh, tirc 12 s6 do cua goc nhi dién

c6 canh 1a duong thang FG, hai mat (FGQP) va (FGHE) (Két qua lam tron phan chuc cia do).

02;5;4)
L G@4;5;3)
z L (P2;0;4)
V4
E0;0;3) F
e ey B(4;5;0)
0(0:0;0) A x

Traloi ..ooooeeeeeennn,
Cau 5. Xét trong khdng gian Oxyz , dai kiém sodt khong luu san bay dit ¢ goc toa do O(0;0;0), don
vi trén mdi tryc 14 Ki-16-mét. Mot mdy bay chuyén dong theo dudng thang, bay qua hai vi tri
A(-500;-300;500) va B(-200;-200;450). Khi may bay & gan dai kiém so4t khong lwu nhat, thi may
bay c6 cao do bang bao nhiéu ki-16-mét?

Traloi: ....................
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Cau 6. Trong khéng gian Oxyz (don vi cua cac truc toa do la kilbmét), mot tram thu phat song dién

thoai di dong c6 dau thu phat dugc dit tai diém | (—2;1;-4). Biét ban kinh phii song cua tram 1a 3km.

C6 5 ngudi sir dung dién thoai tai cdc diém A(2;-1;3), B(0;L—4), C(-2;-3), D(0;1;-3),
E(—4;-2;1). Hoi trong s6 5 ngudi do, c6 bao nhiéu ngudi ¢ thé st dung duoc dich vu cua tram noi

trén?

Traloi: ....................
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LOI GIAI CHI TIET

PE SO 2

PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt
phuong an.
Caul. Hamsd F(x) languyén ham ciia hamsb f (x)=3x* va F(0)=5.Khidé, hamso F(x) la
A. F(x)=3x*+5. B. F(x)=x*-5. C. F(x)=x+5. D. F(x)=6x+5.
Loi giai
Chon C.
Ta c6, ho nguyén ham cia hams6 f (x)=3x* la: F(x) :J. f(x)dx= I3x2dx =x*+C.
Mit khac, F (0)=5=C =5. Viy F(x)=x>+5.

Cau2. Cho ham sé y=f(x) c6 dao ham lién tyc trén doan [a;b] va f(a)=-1 f(b)=3. Khi d6

b
jf’(x)dx bang
A. -3. B. 4. C. 4. D. 2.
Lo giai
Chon B.

"= f(b)-f(a)=3+1=4.

f'(x)dx = f(x)

D — T

Cau3. Cho ham sé y= f(x)lién tuc trén [a;b]. Dién tich hinh phing gi6i han béi do thi ham sb

y=f (X) , truc hoanh va hai dudng thiang x = a; x = b duoc tinh boi cong thirc ndo sau day?

A.S:ﬂ,'j'f(X)dX. B. S:j'f(x)dx. C. S:j"f(x)‘dx. D.S:j'fz(x)dx.

Loi giai
Chon C.
Dién tich hinh phang gi6i han béi d6 thi ham s6 y = f (), truc hoanh va hai duong thang Xx=a;x=b:

b

S = [|f (x)ldx.

a

Cau 4. Dién tich ctia hinh phang duoc giéi han béi do thi ham s6 y = f (x), truc hoanh va hai dudng

thing x=a,x=b (a<b) (phan t6 dam trong hinh V&) tinh theo cong thirc ndo dudi day ?
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Y

A. S:j'f(x)dx+if(x)dx. B. S:j'f(x)dx.
C. S:—jf(x)dx+if(x)dx. D. S:if(x)dx

Loi giai
Chon C.

Dién tich cta hinh phiang duoc gidi han boi db thi ham s6 y = f (X), truc hoanh va hai duong thang
b c b c b
x=a, x=b 1a§=|f(x)|dx="[|f(x)dx+[|f(x)|dx =] f(x)dx+ [ f(x)dx.

Cau5. Thé tich vat thé tron xoay khi quay hinh phing gi6i han boi cac duong y=+/e*—x, y=0,

x=1, x=2 xung quanh truc Ox la

A. n(ez—e—gj. B.e?—e—>. C. n(ez—e—Ej. D.e?—e-3.
2 2 2 2
Loi giai
Chon A.
. . 2 2 3
Thé tich vat thé tron xoay la V = nj(\/ex - x) dx = ﬂ(ez —e—E].
1

Cau 6. Biét mot nguyén ham cua ham s6 f (x)=sin’x la F(x):g—smfx . Thé tich cuaa khéi tron

xoay gigi han boi d6 thi ham s6 y =sinx, truc hoanh va hai duong thang x=0, x =7 khi quay quanh

truc Ox la:
Yy y=sinx
RN
! \
S I \ .
:\\ " 1 ,'.%'
©
. \ ! /,7"(\
~ 1 7’
~ \ ] 7’
SOy L7
SN
2 2
T T T T
A —. B. —. C. —. D. —.
4 2 2 4
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Loi giai
Chon B.

T T 2
Thé tich khdi tron xoay 1a: V = ﬂI(Sin x)’dx = E(I#dx] T
0 0
Cau 7. Cho A va B la hai bién cd bat ky. Khang dinh nao sau day dung?

A. P(AB)=P(A).P(B). B. P(AUB)=P(A)+P(B).

C. P(A\B)= D. P(A)=P(A\B).P(B)+P(A\B).P(B).

Léi gii
Chon A.
Ta c6 cong thire nhan xac suat P (AB)=P(A).P(B)

Cau 8. Cho bang dir liéu sau vé két qua xét nghiém mot loai bénh:

Duong tinh Am tinh
Bénh 120 30
Khong bénh 40 970

Néu mot ngudi co két qua xét nghiém duong tinh, xac suat ngudi d6 thuc su bi bénh 1a:
A. 3%. B.11%. C. 75%. D. 90%.
Loi giai
Chon C.
Goi A 14 bién c¢b nguoi thyc su bi bénh. B 13 bién ¢d nguoi d6 c6 két qua xét nghiém duong tinh.
Néu mot ngudi co két qua xét nghiém duong tinh, Xac suat ngudi d6 thuc su bi bénh 1a:

P(AB) 120
P(B) 120+40

P(A|B) =

75%.

Cau9. Trong khong gian Oxyz, phuong trinh mit cau (S) c6 tam 1(-1;2;1)va di qua diém

A(0;4;-1) la
A (x+1) +(y-2)° +(z+1)° =3. B. (x+1)" +(y-2)" +(z-1)" =9.
C. (x+1)2+(y—2)2+(z+1)2 =9. D. (x+1)2+(y—2)2+(z—1)2 =3.
Lo giai
Chon B.

Mit cau (S) c6 tam 1(-1;2;1) va ban kinh R = IA=1* +2? +(~2)" =3 c6 phuong trinh la:

(x+1)2 +(y—2)2 +(z—l)2 =9.
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Cau 10. Trong khang gian Oxyz cho duong thing d :XT_lz%yz%. Véc to no dudi day 1a mot

véc to chi phuong ciia dudng thang d ?
A. u,=(2-1,3). B. u, =(4;2;,-6). C.u,=(-213). D. u, =(10;2).
Loi giai
Chon C.
Dudng thang d ¢6 mot véc to chi phuong 1a u, =(-2;1;3).
Cau 11. Trong khong gian vai hé toa do Oxyz , cho 3 diém A(4;0;0); B(0;—2;0);C(0;0;2) . Phuwong trinh
mit phang (ABC)Ia:

ALY 2 g B. Z+l+£:0. C.l+l+i:1. DXy Y 2 g
4 2 -2 4 -2 2 -4 2 -2 4 -2 2

Loi giai
Chon D.
Vi A(4;0;0),B(0;-2;0),C(0;0;2)thudc cac truc toa do nén phuong trinh mp chin (ABC) la

—+—+—=1
4 -2 2
X=1+4t
A A . . N 2 x-1 +2 z N
Cau 12. Trong khong gian Oxyz , cho hai duong thang d, :T:—1 =1 vad,:qy=-1-2t.
2=2+2t
Khoang cach giita hai duong thang d4 cho bang bao nhiéu?
A 245 g Y74 c. Vit p. Y87
5 6 3 3
Loi giai
Chon A

Puong thing d, di qua diém M (L, -2;0) va nhan u, = (2;,-11) lam VTCP.

Puong thing d, di qua diém N(L-12) va nhan u, =(4;-2;2) lam VTCP.

Dé thay: uj = 2.uﬁ1 nén duong thang d, song song hozc triing véi duong thang d, .

Lai c6 diém M (1;-2;0) e d, nhung M (1,-2;0) e d, nénsuyra d, //d,.

Vay khoang cach giita hai duong thing dd cho bing khoang cach tir diém M (1,-2;0) dén

duong thang d, .
[

d(M;dz):T.
2

Tacd MN =(0;1;2) [W@] = (6;8;-4).
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| MN,u, | \/36+64+16 24145

B Y I TEer I

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon

ding hoac sai.

2
Caul. Goihamsd F(x)= 2xX—1 la mot nguyén ham cia hamsé f (x), véi x#0.
1
a) f (X) = 2 —? .
b) [ f (x _2 ‘1+c |
c) j F(x)dx=f (x)+C.
d)IF x)dx =x*—In|x|+C .
Loi giai
a) b) o) d)
SAI PUNG SAI PUNG

!

8) f(x)= F’(x):(zxz ‘1]’ :(ZX_Ej —2 L

X X X

b) [ f(x)dx=F (x)+C = 21

X

¢) [ f(x)dx=F(x)+C.

d)J.F(x) jzx dx _I(Zx—%]dx:xz—ln|x|+c.

Cau 2. Mot cong ty thiét ké mau huy hiéu dé ting cho khich hang than thiét ciia minh (xem hinh vé

bén dudi). Trong d6 ABCD Ia hinh vudng c6 canh bang4cm, cac duong cong AOD va BOC 1a mot
phan cta cac parabol dinhO. Vi hé truc toa dd Oxy ( don vi trén mdi truc toa do 1a cen-timet) thi
diém A c6 tung do bang 1. Biét phan t6 dam trong hinh v& dugc phu vang véi chi phi 1 mot triéu
dong/dcm?, phan con lai duge pha bac véi chi phi 300 nghin dong/1cm?, céc chi phi con lai 12 500 nghin
dong.
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b) Parabol chira duong cong BOC ¢6 phuong trinh la y = —%X .

ik

i

n

\

)

—

¢) Dién tich phan t6 dam trong hinh vé& 16n hon 5,5cm?.

4

s

a) Parabol chira duong cong AOD c¢6 phuong trinh la y = %X .

2

2

d) Chi san xuat 1 chiéc huy hiéu trén nho hon 9,5 triéu dong.

Loi giai
a) b) c) d)
SAI PUNG SAI SAI
"
1

)

'
w

b) Goi Parabol chita dudng cong BOC c6 phuong trinh [a y = a’x>.

Vi Parabol di qua diémC (2;-3) néntaco: -3=a.2> < az_?g = y=—X

c) Dién tich phan to6 dam chtra duong cong BOC: S, = j

0

-2

0

d) Dién tich phan t6 dam chira duong cong AOD: S, = j

Dién tich hinh vuéng ABCD: S,, = 4.4 =16(cm?).

Dién tich phan khong to dam: S, =16 — (? +4

10

)

-2

_32
4

3 3
= x%dx +I—x2dx =4(cm?).
4 04

2
L edx +J'l x2dx = E(cmz).
4 04 3

26,
=—(Cm-).
3( )
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Tong chi phi dé 1am chiéc huy hiéu: T =1oooooo%+ 300000.? ~9.933.000 (cm?).

Cau 3. Trudc khi dua mdt loai san pham ra thi truong, nguoi ta da phong van ngau nhién 200 khach
hang vé san pham d6. Két qua thong ké nhu sau: c6 105 ngudi tra 10i "s& mua"; c6 95 ngudi tra 1oi
"khéng mua”. Kinh nghiém cho thay ti 1& khach hang thyc su s& mua san pham twong Ung vé&i nhiing
cach tra 1oi "s& mua" va "khong mua" lan lugt 1a 70% va 30%. Goi A la bién c6 "Nguoi dugc phong
van thuc sy s mua san pham". Goi B 12 bién ¢d "Ngudi duoc phong van tra 101 s&¢ mua san pham".

a) XA&c suét P(B):i—(l) va P(E):%.
b) Xéc suat c6 dicu kién P(A|B)=0,3.

c) Xac suat P(A)=0,51.

d) Trong s6 nhitng ngudi duoc phong van thue sy s& mua san pham c6 70% ngudi da tra 101 "s& mua"
) g g ng oc phong IC SU p g

khi dugc phong van (két qua tinh theo phan trim duoc 1am tron dén hang don vi).

Loi giai
a) b) c) d)
PUNG SAl PUNG SAl

o n, 105 21 _ /=y 19, = 19

a) X4c suét P(B)—i—ZTO_Af—O,P(B)_l—P(B)_Af—O va P(B)_4—0.

b) Theo d¢ bai: Kinh nghiém cho thay ti 1& khach hang thyuc sy sé mua san phdm twong Ung v&i nhitng

cach tra 10i "se mua" 1a 70% . Do do xéc suét c6 diéu kién P(A|B)=0,7.

o =\ o(m 21 .19
Xéc sudt P(A)=P(A|B).P(B)+P(A|B).P(B)=0,7.22+0,3.->=0,5L,
c) Xac suat P(A) (|)()+(|)() 40+ 20
21
0,7.°>
d) Ta c6: P(B|A):P(A|B)'P(B): 40 ~0,72.
P(A) 0,51

Cau 4. Trong khong gian toa do Oxyz , cho diém A(5;-5;2) va mat phang (P):2x-3y+z+1=0.
a) Vecto n=(2;3;1) 1a mot vecto phap tuyén ciia mit phing (P).
b) Goi (d) 1a duong thing di qua diém A va vudng goc véi mit phang (P). Phuong trinh tham s6 cia

X=2+5t
dudng thang (d) 1a {y=-3-5t (teR).
z=1+2t

¢) Piém H (110) Ia hinh chiéu vudng géc cia diém A trén mit phing (P).
d) Khoang cich tir diém A dén mit phang (P) bang 2v14 .

Loi giai
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a) b) c) d)
SAI SAI PUNG PUNG

a) Mit phing (P):2x—3y+z+1=0 c6 mdt vecto phap tuyén (2;-3;1) va khong cung phuong véi vecto
n=(2;3;1). Do d6 ménh dé sai.

b) Puong thing (d)L(P)= (d) c6 nhan vecto phép tuyén cta (P) la n=(2;-31) lam vecto chi
phuong.

Phuong trinh duong thing (d) di qua diém A, c6 mot vecto chi phuong (2;-3;1) 1a

X=5+2t
y=-5-3t (teR). Do d6 ménh dé sai.
=2+t

c) Goi H Ia hinh chiéu vuong goc ciia A 1&n mat phiang (P), khido H =(d)n(P).
Xét phuong trinh 2(5+2t)-3(-5-3t)+(2+1)+1=0<14t+28=0t=-2.
Thay t =-2 vao phuong trinh ciia (d), ta c6 toa do H (1,10). Do d6 ménh dé dung.

d) Khoang cach tir diém A dén mit phang (P) bang:

[25-3.(-5)+2+1
2° +(—3)2 +1

d(A(P)) =214,

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi cau héi thi sinh chi tra 1oi dap an.

Cau 1. Hinh bén minh hoa mat cat ding cua mot con kénh dat trong hé truc toa dd Oxy . Pay cta con
kénh 1a mot dudng cong AOB cho bai ham sb bac ba c6 dang y = f (x) =ax® +bx? +cx+d . Hay tinh
dién tich hinh phang t6 dam trong hinh V&, biét don vi trén mdi truc toa do 1a mét va d6 thi ham sb
y = f(x) nhan goc toa d O va diém B 1a cac diém cuc tri. Viét két qua 1am tron dén hang don vi cia

m?.

10| . x

Traloi: .........ocoeene
Loi giai
Pap an: 42

Hamsb y=f(x)=ax® +bx* +cx ma f (0)=0=c¢c=0
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, g=—1
f (10)=300a+20b=0 - 100
f (10) =5 < 1000a+100b =5 b:i
20

Mat khac {

Do d6 f(x):—1x3+ix2 =5
100 20 x=10

_ ~_5
f(x):5<:>—1x3+ix2 =5< X
100 20 x=10
=5 =[5 f(]dx ~ 42m’
-5 !

Cau 2. Cho cac nira duong tron nhu hinh vé sau, trong d6 duong kinh cia nira duong tron 16n gap doi

duong kinh cua ntra dwong tron nho. Biét rang nira hinh tron duong kinh AB ¢6 dién tich la 327 va goc

BAC =30°. Biét thé tich vat thé tron xoay duoc tao thanh khi quay hinh phing (H) (phén t6 dam) xung

quanh duong thing AB bing ‘%” voi a,beN va % la phan s téi gian. Tinh gi4 tri ciia a—50b .

Traloi: ....................

Loi giai

Dap an: 634
Chon hé truc Oxy thich hop nhu hinh sau:

Phuong trinh nira duong tron lon: f (x)=v16x—x* .

Phuong trinh nira duong tron nhé: g(x)=v8x —x* .

Phuong trinh dudng thang AC :y = gx .

2
dx+n1f(§x] dx+7r1f(l6x—x2)dx:78ﬁ.
8 12

8
Khidévznj
) 3
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= a=784b=3=a-500=634
Cau 3. Mot binh duyng 50 vién bi kich thudc, chét liéu nhu nhau, trong d6 ¢d 30 vién bi trang va 20
vién bi xanh. LAy ngau nhién ra mot vién bi, roi lai ldy ngau nhién ra mot vién bi nira. Tinh xac suat dé
liy dwoc mot vién bi tring & lan thir nhat va mot vién bi xanh ¢ lan tht hai (két qua 1am tron dén hang
phan trim).
Traloi: ....................
L i giai

Pap an: 0,24
Goi A la bién cé: “Lay dugc mot vién bi tring ¢ lan thir nhat”
Goi B la bién cé: “Lay dugc mot vién bi xanh ¢ lan tht hai”.
Theo cdng thirc nhan xac suat P(AB) =P (A).P(B|A)
_30_3

50 5
Néu A di xay ra, tac 1a mot vién bi tring d& duoc lay ra ¢ lan thi nhat, con lai trong binh 49 vién bi,

trong d6 bi xanh 1a 20 vién bi. Do do P(B|A) :i—g
Vay Xac suat can tim 1a P(AB)=P(A).P(B| A):g.i—g:%zo,m

Cau 4. Hinh bén dudi minh hoa so d6 mot ngdi nha trong khong gian Oxyz , trong d6 nén nha, bén birc

Vico 30 vién bi tréng trong tong s6 50 vién bi nén P(A)

tuong va hai mai nha déu 1a hinh chir nhat. Tinh s do goc ddc clia mai nha, tirc 1 s6 do cua goc nhi dién

c6 canh 1a duong thang FG, hai mat (FGQP) va (FGHE) (Két qua lam tron phan chuc cia do).

02;5;4)
Byl e G(4:5:3)
z L (P2;0;4)
g
EQ0;0;3) F
e B(4;5;0)
0(0;0:0) A x
Traloi: .....ovvevveennn.
Loi giai

Pap an: 26,6
Pé tinh gdc ctia mai nha, ta tinh s6 do ctia goc nhi dién c6 canh la dudng thang FG , hai mit lan luot 13

(FGQP) va (FGHE).
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Do mat phang (Oxy) vudng goc véi hai mat phing (FGQP) va (FGHE), FP =(Oxy)n(FGQP),
FE = (Oxz)n(FGEH ) nén PFE la géc phing nhi dién cn tim.

Tu giac OAFE la hinh chir nhat nén x. =x, =4, z. =z, =3.

Do F nam trén mit phang (Oxz) nén toa do diém F (4;0;3).

Taco FP=(-2;0;1), FE =(~4;0;0) suy ra:

FPFE  (-2)(-4)+0x0+1x0 2.5

FP.FE \/(—2)2 +0% +1? \/(—4)2 +024+07 O

cos PFE = cos(ﬁ;ﬁ) _

Do do, PFE ~ 26,6° . Vay goc déc mai nha khoang 26,6° .
Cau 5. Xét trong khdng gian Oxyz , dai kiém sodt khong luu san bay dit ¢ goc toa do O(0;0;0), don
vi trén mdi tryc 14 Ki-16-mét. Mot mdy bay chuyén dong theo dudng thang, bay qua hai vi tri
A(-500;-300;500) va B(-200;-200;450). Khi may bay & gan dai kiém so4t khong lwu nhat, thi may
bay c6 cao do bang bao nhiéu ki-16-mét?
Traloi ..ooooeeeeeennn,

Loi giai
Pap an: 400
May bay chuyén dong theo duong thang A di qua hai diém A, B nén s& & gan dai kiém soat khong luu
nhét khi né ¢ vi tri H 13 hinh chiéu vudng goc ctia gbc O 1én duong thiang A.

+ Puong thing Adi quaA B nén ¢ VTCP la AB(300;100;-50)do d6 phuong trinh tham sé Ia

X =-500+ 6t
y=-300+2t.
z=500-t

+ Goi H Ia hinh chiéu vudng goc ciia O 1én A thi

H (~500+ 6t; ~300 +2t;500 —t) = OH (~500+ 6t;~300 + 2t;500~t) , khi d6

OH L A nén OH.AB =0 <> 300(-500+6t)+100(-300+ 2t)~50(500-t) =0

< t=100, suy ra H (100;-100;400).

Vay may bay c6 cao d6 bang 400(km)

Cau 6. Trong khéng gian Oxyz (don vi cua cac truc toa do la kilbmét), mot tram thu phat song dién

thoai di dong c6 dau thu phat duge dit tai diém | (—2;1;—4). Biét ban kinh phi song cua tram la 3km.
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C6 5 ngudi sir dung dién thoai tai cdc diém A(2;-1;3), B(0;L—4), C(-2;-3), D(0;1;-3),
E(—4;-2;1). Hoi trong s6 5 ngudi do, c6 bao nhiéu ngudi ¢ thé st dung duoc dich vu caa tram noi

trén?
Traloi: .........ocoeene

Loi giai
Pap an: 3

Ta co:

IA= 4% +(-2)" +7* =69 >3
IB=+/22+02+0% =2<3.
0°+0°+1' =1<3
ID=~/22+02+12 =/5<3
IE:\/(—2)2+(—3)2+52 =/38>3.

Viy ¢6 3 ngudi ¢6 thé sir dung dich vy cua tram néi trén.
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

DE SO 3
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét

phuong an.

Caul. Nguyénham F(x) cuaham sb ciia hamsé f (x) Lien

X

A. F(x):—iz+ex+C. B. F(x):ln|x|+ex+C.
X

C. F(x):ln|x|+eX+C. D. F(x)=Inx+e+C.

2
Cau2. Cho ham s§ y=f(x) c6 dao ham lién tuc trén [0;2], f(0)=1 va [f'(x)dx=-3. Tinh
0

£(2)?

A f(2)=-4. B. f(2)=-2. C. f(2)=4. D. f(2)=-3
Cau3. Chohamsd y= f(x) lién tuc trén doan [a;b]. Goi D la dién tich hinh phing gi6i han béi do
thi (C):y = f(x), truc hoanh, hai duong thing x=a, x=b (nhw hinh v& duéi day).

4 f

A S, :j f (x)dx+i f (x)dx. B. S, :—} f (x)dx+i f(x)dx.
C SD:—}f(x)dx—if(x)dx D. SD:}f(x)dx—if(x)dx

Cau 4. Dién tich hinh phang gi6i han béi cac dudng cong y = x* —6x va y = x? bang
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AE B. 22, c. 2 p. 22,
12 3 4 12

Cau 5. Cho hinh phing (H) gi6i han boi cac duong y=x*+3, y=0, x=0, x=5. Goi V la thé tich

ctia khdi tron xoay dugc tao thanh khi quay (H )xung quanh truc Ox . Ménh dé nao duéi day ding?

A.V:i(x2+3)dx. B.V:ﬂ,'j.(X2+3)2dX. C.V:i(x2+3)2dx. D.V:ﬂ'j.(X2+3)dX.
0 0

0 0
Cau 6. Cit mot vat thé boi hai mit phang vudng goc véi truc Ox tai x=1 va x =3. Mot mit phang
tdy y vudng goc véi truc Ox tai diém c6 hoanh d6 x (1< x <3) cit vat thé d6 theo thiét dién 1a mot hinh
chir nhat co6 do dai hai canh 1a 3x va 3x* —2. Tinh thé tich ctia phan vat thé gidi han boi hai mit phing
trén.

A.V =156 B.V =1567 C.V =312 D.V =312%
Cau 7. Cho cécbiéncd A va B thoaméin P(B)=0,8;P(AB)=0,5. Tinh P(AIB).

A

(00N

B. 2. c. 2. D,
8 5

Cau 8. Gieo mdt con xuc xdc can ddi va dong chat. Tinh xac suat s6 chim trén con xdc xic khong nho

ollw

hon 4, biét rang con xuc xac xuat hién mat lé.

A.i. B 2 C.l. D.

6 3 3

N |-

Cau 9. Trong khdng gian véi hé toa do Oxyz, phuong trinh ndo sau day la phuong trinh mat cau (S)
tam A(2;1;0), di qua diém B(0;1;,2)?

A (x+2) +(y+1) +2*=8. B. (x-2)"+(y-1)° +2* =8.

C. (x+2) +(y+1)" +2° =64. D. (x+2)" +(y+1)" +2° =64.
Cau 10. Trong khong gian Oxyz , cho mit phang (P):x—2y+2z-1=0 va diéem M (-1,2;-3). Khoang
cach tir M dén mit phing (P) bang

c.

A. 6. B. 4. D.17.

Cau 11. Trong khéng gian Oxyz ,cho hai mat phing (P) va (Q) lan luot c6 hai vecto phap tuyén la n,
Va n,, . Biét goc giira hai vecto n, va n, bang 120°. Géc giira hai mat phing (P) va (Q) bang

A. 60°. B. 120°. C. 90°. D. 45°.
Cau 12. Trong khong gian véi hé toa do Oxyz , phuong trinh chinh téc ciia dudng thang (d)di qua diém
M (1,—2;3) vavudng goc véi mat phang (P):x—2y+3z-1=0 la?

A x—lzy—2:z—3. B x—1:y+2:z—3.
1 -2 3 1 -2 3
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C. x—1:y+2:z+3. D. x+1:y+2:z—3.
1 -2 3 1 -2 3

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.

Cau l. Trén duong qudc 16, mot 6 to dang di chuyén véi van toc 12,5 m/s. Cung lic, mot doan tau
\ , \ y . “ A A y . A A 50 c A A , A \ 7
chay cung hudng va song song vaéi duong quoc 10 vai van toc ?m /'s. Khi 6 t6 cach dudi tau 100 meét

thi 6 t0 bat dau tang tdc voi van toc v(t)=2,5t+b (m/s), véi t 1a thoi gian ké tir e 6 0 bt dau ting
téc. Khi 6 t6 dat dén van tdc tdi da cho phép 25 m/ s thi 6 td giir nguyén van tdc.

a) Giatri cia b bang 12,5.

b) Thoi gian 6 to dat van toc toi da cho phép 1a 5 giay.

¢) Sau 5 giay ké tir khi 6 o ting tdc, 6 t6 di duoc quing dudng nhé hon quing dudng cua tau di dugc.

d) Thoi gian 6 t6 bét Kip dudi tau ké tir Idc 6 t6 bat dau tang toc la 15,75 giay.

Cau 2. Cho parabol (P): y=f(x) va dudng thing d:y=ax+b cat nhau tai hai diém A, B nhu

hinh vé.

IO e o e e e

0 e =

I
1
1
1
1
1
1
1
1
1
1
2

Biét rang hinh phang gi6i han boi (P) va d c6 dién tich S :1275.
i 50

a) | f(x)dx=—.

) [ f (=3

b) Phuong trinh duong thang d 1a y =3x+1

7

c) If’(x)dx:s.
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Cau 3. Mot nha may co6 hai phan xuong A va B tuong (rng 1am ra 60% va 40% san pham ctia nha may.

Ti 1é phé pham cua hai phan xuéng A va B lan luot 12 1% va 2%. Chon ngau nhién mot san pham cila
nha may.

a) Néu san pham chon ra thudc phan xudng A thi Xac suat dé no khong 1a phé pham 1a 0,98.

b) Xéc suat dé san pham chon ra 12 phé pham va thudc phan xudng A 13 0,0086.

C) XA&c suat dé san pham chon ra 1a phé pham 13 0,014,

I3 3 N I3 2 N , 14 2 N 4
d) Néu san pham chon ra Ia phé pham thi xac suat dé né thudc phan xuong A 1a -

Cau 4. Hai chiéc flycam dugc diéu khién clng bay I1&n tai cing mot dia diém. Sau mot thdi gian bay,
chiéc flycam thir nhat bay dén vi tri diém A cach mat dat 10m, cach diém xuat phat 8m vé phia nam va
3m Vé phia dong. Chiéc flycam thir hai bay dén diém B cach mat dat 12m, cach diém xuat phat 4m vé
phia bic va 5m Vé phia tdy. Chon hé truc toa 46 Oxyz voi gbc O dat tai diém xuat phat cta hai chiéc
flycam, mit phang (Oxy) tring véi mét dat (coi nhu phang) c6 truc Ox huéng vé phia nam, truc Oy

huéng vé phia dong va truc Oz hudng thang ding 18n troi (don vi do mdi truc 1a mét). Khi do:

- - - - z
S SR
o5
- “‘ ~
Tiwr
oA
."/
| 3 y
/0 . Hudmg Déng
7 SRE—— -
x/}fm'mgNam
a) Toa do cua diem A(8;3;10).
X=8+12t
b) Phuong trinh duong thang di qua vi tri cia hai chiéc flycamtai A va B la {y=3+8t .
z=10-2t

c) Mt phang trung truc ciia doan thing AB di qua M (L -2;1).
d) Trén mat dat nguoi ta dat mot thiét bj pha séng flycam sao cho c6 thé phé song hai chiéc flycam tai hai
vitri A, B cing mot ldc. Tong khoang cach ngan nhat tir thiét bi do dén hai chiéc flycam tai hai vi tri A

va B (lam tron dén hang phan trim) bang 25,46(m).

PHAN III. (3 diém) CAu trac nghiém tra 101 ngian. Mdi cAu héi thi sinh chi tra 1oi dap an.
Cau 1. Dé trang tri mdt birc twong hinh chir nhat c6 kich thudc 3mx4m trong phong, ban Hoa vé& 1én

twong mot hinh nhu sau: Trén mdi canh ctia mot hinh luc gidc déu c6 canh 2dm, v& mot canh hoa hinh
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parabol. Dinh cia parabol cach canh 3dm va nim phia ngodi hinh luc giac déu. Pudng parabol di qua hai

dau mat cua mdi canh hinh luc gidc (tham khao hinh vé).

Hoi ban Hoa cd thé vé t6i da bao nhiéu hinh c6 cing kich thudce nhu vay 1én birc tuong can trang tri?
Traloi: ....................

Cau 2. Xét chiéc chén trong mot bo am chén ubng tra, ban Dwong udc luong dugc rang chiéc chén
duoc tao thanh khi cho hinh phang gisi han bai do thi ham s6 f (x) =0,14x° —0,87x* +1,92x +0,85, truc
hoanh va hai duong thang x =0, x=3 quay quanh truc Ox (don vi trén mdi truc toa do 1a centimét).
Tinh thé tich cua chiéc chén (1am tron dén phan chyc cua centimét khéi).

Ny = flz)

Traloi: ....................

Cau 3. Thdng ké hd so 250 hoc sinh khdi 10 trong d6 ¢6 150 hoc sinh nit va 100 hoc sinh nam. Sau khi
thong ké, két qua c6 60% hoc sinh nir 1a doan vién, 50% hoc sinh nam 13 doan vién; nhitng hoc sinh con
lai khong 1a doan vién. Chon ngau nhién mot hoc sinh trong 250 hoc sinh khéi 10. Tinh xac suat dé hoc
sinh dugc chon l1a doan vién.

Traloi: ....................

Cau 4. Do c6 anh kim loai va mau vang éng, pyrit (FeS,) con dugc goi la vang gam. Thudng gip

dudi dang 1ap phuong hodc bat dién hoan hao, d6i khi nhiéu tinh thé dinh 1ién nhau. Thinh thoang ciing
thiy cac khdi lap phuong pyrit bi mat mot goc, tao thanh mot hinh chép tam giac déu.

Xét mot khdi 1ap phuong pyrit canh 3 cm, bi mat mot goc dudi dang hinh chép tam giac déu c6 cac canh
bén dai 1 cm.
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Phuong trinh ctia mat phang v ¢6 dang ax+by+cz+2=0. Tim a+b+c

Traloi: ....................

Cau 5. Ban vé& thiét ké cia mot cong trinh dugc v& trong mot hé truc toa do Oxyz. San nha cua cong
trinh thuoc mit phang (Oxz), dudng Ong thoat nuéc thang va di qua hai diem A(1;2;3),B(-14;-2).

Tinh gdc tao boi dudng dng thoat nudc va mit san (Iam tron két qua dén hang phan chuc cua do).

Traloi: ....................

Cau 6. Trong khdng gian Oxyz , gia st tai mot thoi diém, mot thiét bi GPS xac dinh dugc khoang cach
tir nd t6i ba vé tinh A, B,C tuong ung la \/g ; \/E :2. Tai thoi diém d6, cac vé tinh trén & vi tri c6 toa do 1a

11 V7

A(2;0;0),B(0;2;0),C (0 — —] Tir thong tin trén, ta hoan toan co thé xac dinh toa do ciing nhu vi do

va kinh d cta vi tri thiét bi GPS. Gia su tai thoi diém d4 cho, thiét bi GPS & vi tri P(x;y;z). Tinh

P=x+y+z.
Traloi: ....................
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LOI GIAI CHI TIET

PE SO 3

PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i cau héi thi sinh chi chon mgt

phuong an.

Caul. Nguyénham F(x) cuaham sb ciia hamsé f (x) Lien

X
A. F(x):-iz+eX+c. B. F(x)=1In|x+ex+C.
X
C. F(x)=In|x|+e*+C. D. F(x)=Inx+e+C.
Loi giai
Chon B.

Nguyén ham F (x) cua ham s6 cua ham sb f(x):%+e laF (x)=In|x|+ex+C.

2
Cau2. Cho ham sé y=f(x) c6 dao ham lién tuc trén [0;2], f(0)=1 va jf’(x)dx:—3. Tinh
0

£(2)?
A. f(2)=—4. B. f(2)=-2. C. f(2)=4. D. f(2)=-3
Loi giai
Chon B.

Ta co: J%f’(x)dx:—3c> f(2)-f(0)=-3< f(2)=-3+f(0)=-3+1=-2

Cau3. Chohamsd y= f(x) lién tyc trén doan [a;b]. Goi D la dién tich hinh phing gi¢i han béi do
thi (C):y = f(X), truc hoanh, hai dudng thang x=a, x=b (nhu hinh v& duéi day).

LYy ."l

Gia st S, la dién tich hinh phang D . Chon khang dinh dting?

A. S, =

D — O

f(x)dx+§ f (x)dx. B. Sg :—jf(x)dx+£f(x)dx.
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0 b

C. S, :—j'f(x)dx—i f(x)dx. D. S, :jf(x)dx—j f(x)dx.

a 0
Loi giai
Chon B.

Cau 4. Dién tich hinh phang gi6i han béi cac dudng cong y = x* —6x va y = x? bang

A 2 B 1 c. 8. D, 23
12 3 4 12
Loi giai
Chon D.
X=3
Taco X¥*-6x=x><=x*-x*-6x=0<|x=0 .
X=-2
: 253
Tacod S :Hx3—x2—6x‘dx ==,
’ 12

Cau 5. Cho hinh phing (H) gi6i han boi cac duong y=x*+3, y=0, x=0, x=5. Goi V la thé tich

ctia khoi tron xoay dugc tao thanh khi quay (H )xung quanh truc Ox . Ménh dé nao duéi day ding?

A.V :Js'(x2 +3)dx. B.V :ﬂj'(x2 +3)2dx. C.V :Js'(x2 +3)2dx. D.V :ﬂj'(x2 +3)dx.
0 0

0 0
Loi giai
Chon B.

5
Thé tich cta khi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox laV = ﬂj(Xz +3)2dx
0

Cau 6. Cit mot vat thé boi hai mit phang vudng goc véi truc Ox tai x=1 va x =3. Mot mit phang
tdy y vudng goc véi truc Ox tai diém c6 hoanh d6 x (1< x <3) cit vat thé d6 theo thiét dién 1a mot hinh
chir nhat c6 do dai hai canh 12 3x va 3x* —2. Tinh thé tich ciia phan vat thé gidi han boi hai mit phing
trén.

A.V =156 B.V =1567x C.V =312 D.V =312x

Loi giai

Chon A.
Dién tich thiét dign 1a: S(x) =3x.(3x* —2) =9x° - 6x

3
— Thé tich vat thé 1a: V = j (9x3 —6x)dx ~156
1

Cau7. Cho cacbiénco A va B thoamédn P(B)=0,8;P(AB)=0,5. Tinh P(AIB).

( )
A. B. c.t 3
5 5

gl N
oo | ol
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Loi giai
Chon B.
P(AnB
Taco P(AIB):—( ):E:—.
P(B) ,8 8
Cau 8. Gieo mdt con xuc xic can ddi va dong chat. Tinh xac suat s6 chim trén con xdc xic khong nho

hon 4, biét rang con xudc xac xuat hién mat I¢.

A. E B. g C. 1 D. 1
6 3 3 2
Loi giai
Chon C.

Goi A la bién cé “ sé cham trén xdc xic khong nho hon 4~

B Ia bién c6 “ xdc xac xuét hién mat I¢”, ta can tinh P(A|B)
Két qua thuan loi cua bién cé A={4;5;6}

Két qua thuan loi cua bién ¢ B ={1;3;5}

Vay P(A|B)=

Wl

Cau 9. Trong khdng gian véi hé toa do Oxyz, phuong trinh ndo sau day la phuong trinh mat cau (S)

tam A(2;1;0), di qua diém B(0;1;2)?

A (x+2) +(y+1) +2*=8. B. (x-2)"+(y-1)° +2* =8.
C. (x+2) +(y+1)" +2° =64. D. (x+2)" +(y+1)" +2° =64.
Loi gidi
Chon B.

Vi mit cau (S)co tam A(2;10), di qua diém B(0;1;,2) nén mat cau (S) c6 tam A(2;1,0) va c6 ban
kinh R= AB.

Taco: AB(-2;0;2). Suyra R :‘ﬁ‘ =22.

Vay: (S):(x=2)" +(y-1)"+2* =8.

Cau 10. Trong khong gian Oxyz , cho mit phang (P):x—2y+2z-1=0 va diéem M (-1,2;-3). Khoang
cach tir M dén mit phing (P) bang

A. 6. B. 4. C.%. D.17.

Loi giai
Chon B.
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(-1)-2x2+2x(-3)-1 |-1-4-6-1 12
12+(—2)2+22 3 3

4.

Tacé: d(M;(P))=

Cau 11. Trong khéng gian Oxyz ,cho hai mat phing (P) va (Q) lan luot c6 hai vecto phap tuyén Ia n,
Va n,, . Biét goc giira hai vecto n, va n, bang 120°. Géc giira hai mat phing (P) va (Q) bang

A. 60°. B. 120°. C. 90°. D. 45°.

Loi gidi

Chon A
Goi ¢ la goc gitra hai mat phang (P) va (Q). Do (1, ng ) =120° > 90° = ¢ =180° ~120° = 60°
Vay géc gira hai mat phang (P) va (Q) bang 60°.
Cau 12. Trong khong gian véi hé toa do Oxyz , phuong trinh chinh téc ciia dudng thang (d)di qua diém

M (1,—2;3) vavudng goc véi mat phang (P):x—2y+3z-1=0 la?

A x—1:y—2:z—3. B x—1:y+2:z—3.
1 -2 3 1 -2 3
C. x—1:y+2:z+3. D. x+1:y+2:z—3.
1 -2 3 1 -2 3
Loi giai
Chon B.

Tacé: (d) vudng goc véi mit phing (P), nén:u, =n_ = (L-2;3).

x-1 y+2 7-3

Do d6, phuong trinh duong thang (d) Ia: I 5 3

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.

Cau l. Trén duong qubc 16, mot 6 to dang di chuyén véi van toc 12,5 m/s. Cung lic, mot doan tau
\ , \ y . “ A A y . A A 50 c A A , Ao 7
chay cung hudng va song song véi duong quoc 1§ voi van toc ?m /'s. Khi 6 t6 cach dudi tau 100 mét

thi 6 t0 bat dau tang tdc voi van toc v(t)=2,5t+b (m/s), véi t 1a thoi gian ké tir e 6 6 bat dau ting
téc. Khi 6 t6 dat dén van tdc tdi da cho phép 25 m/ s thi 6 td giir nguyén van tdc.
a) Giatri cua b bang 12,5.
b) Thoi gian 6 to dat van toc toi da cho phép 1a 5 giay.
¢) Sau 5 giay ké tir khi 6 o ting tdc, 6 t6 di duoc quing dudng nhé hon quing dudng cua tau di dugc.
d) Thoi gian 6 t6 bat Kip dudi tau ké tir Iic 6 t6 bat dau tang toc 1a 15,75 gidy.
Loi giai
A. B. C. D.
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PUNG PUNG SAI PUNG

a) v(t)=2,5t+b(m/s).
Tai thoi diém t=0, vantoc cua 6 t6 1a v(0)=12,5(m/s) =12,5=2,5.0+b = b =12,5.
b) Khi 6 t6 dat van toc toi da ta c6: 25=2,5t+12,5 < t=5(s).

5
¢) Quang duong 6 6 di duge sau 5 gidy 1a: s, = J’(2,5t+12,5) dt = 3Tzfs(m) =93,75(m).

0

Quang duodng tau di duge sau 5 gidy la: s :5—??.5 :Z—?(m) =83,33(m).

tau

Vay SOtO > Stau

d) Goi t Ia thoi gian ké tir khi 6 0 bit diu tang téc dén khi bit kip tau

Vi sau 5 gidy thi 6 td dat van toc tdi da va giit nguyén téc do nay nén:
5

Quang duomg 6 to di duoc 18: s,,, = [(2,5t+12,5)dt +25(t ~5) (m) = 25t -31,25
0

Quéng duong tau di duoc la: s :%t :

tau

50 25

O t6 bt kip tau khi s, =100+ ©25(-31,25=100+ -t & t=131.25 &1=1575(s)

tau

Cau 2. Cho parabol (P): y=f(x) va dudng thing d:y=ax+b cat nhau tai hai di€ém A, B nhu

hinh vé.

1
1
1
1
1
1
1
1
1
1
1
2

0 =

Biét rang hinh phang gi6i han boi (P) va d c6 dién tich S :1275.
i 50

a) | f(x)dx=—.

) [ f (=3

b) Phuong trinh dudng thiang d 12 y=3x+1

c) J?'f’(x)dx:S.
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f , 215
d) J;(Zx—3) /(x)dx ===,

Loi giai
a) b) c) d)
PUNG SAI PUNG PUNG

a) duong thang d di qua hai diém A(2;5), B(7;10) nén phuong trinh duong thang d:y=x+3.
Goi phuong trinh cia parabol: y = ax* +bx+c.
Vi parabol di qua cac diém A(2;5), B(7;10) nén ta co

4a+2b+c=5 (1)
49a+7b+c=10 (2)

Mt khac dién tich hinh phang giéi han boi duong thang va parabol cd dién tich bang S = 12?5 nén ta co

f ) 125
S :JZ'[(X+3)—(ax +bx+c)]dx:?

@Ea+ﬁb+50:@. (3)
3 2 3

Tu (1),(2) va (3) suyra a=1,b=-8,c=17 = (P):y=x*-8x+17
7 7 50
Suyra [ f(x)dx=|(x*-8x+17)dx==—.
yra [ (x)ox=( Jox ==
b) Phuong trinh duong thang d 1a y=x-8.
7 7
c) Tacd f’(x):Zx—8:>jf’(x)dx:j(Zx—S)dx:S.
2 2

d) j(2x—3) f'(x)dx :j(Zx—B)(Zx—S)dx :J7'(4x2 —22x+24)dx =

2 2

215

3
Cau 3. Mot nha may co hai phan xudng A va B twong tng 1am ra 60% va 40% san pham ctia nha may.
Ti 1é phé pham cua hai phan xuéng A va B lan luot 1 1% va 2%. Chon ngau nhién mot san pham cila
nha may.
a) Néu san pham chon ra thudc phan xudng A thi Xac suat dé no khong 1a phé pham 1a 0,98.
b) Xéc suat dé san pham chon ra 12 phé pham va thudc phan xudng A 12 0,0086.

C) XA&c suat dé san pham chon ra 1a phé pham 13 0,014,
. : S LA 2 SRS A A , .4
d) Néu san pham chon ra Ia phé pham thi xac suat dé né thudc phan xuong A 1a -

Loi giai
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a) b) c) d)
SAI PUNG PUNG SAI

Goi A B lan luot 1a bién cd chon dugc san phim thudc phan xuong A ,B. Ta ¢ P(A):0,6;
P(B)=0,4

Goi P 1a bién c6 chon phai mot san pham 1a phé pham.

Ti 1¢ phé phdm cita phan xuéng A 1a 1% = P(P|A)=0,01.

Ti 1¢ phé phdm ciia phan xuéng B 1a 2% = P(P|B)=0,02.

a) Néu san pham chon ra thudc phidn xuéng A thi xac suit dé né khong 1a phé pham 1a
P(P|A)=1-P(P|A)=0,99.

b) Xa suat dé san pham chon ra 1d phé phim va thuoc phin xuéng A Ia
P(AnP)=P(A).P(P|A)=0,6.0,01=0,006.

¢) X&c suat dé san pham chon ra 12 phé pham 14 tong xac suat chon dugc phé phim tir phan xuong A va
tor phan xuéng B

P(P)=P(A).P(P|A)+P(B).P(P|B)=0,6.0,01+0,4.0,02=0,014

d) Ap dung cong thirc Bayes

Néu san pham chon ra 13 phé phim thi xic suit dé né thudc phan xuong A A

P(AIP)= P(AnP) 0,006 3

P(P) 0014 7

Cau 4. Hai chiéc flycam dugc diéu khién cing bay I1&n tai cing mot dia diém. Sau mot thdi gian bay,
chiéc flycam thir nhat bay dén vi tri diém A cach mat dat 10m, cach diém xuat phat 8m vé phia nam va
3m Vé phia dong. Chiéc flycam thir hai bay dén diém B cach mat dat 12m, cach diém xuat phat 4m vé
phia bic va 5m Vé phia tdy. Chon hé truc toa dd Oxyz voi gbc O dat tai diém xuat phat cia hai chiéc
flycam, mit phang (Oxy) tring véi mét dat (coi nhu phang) c6 truc Ox huéng vé phia nam, truc Oy

huéng vé phia dong va truc Oz hudng thang ding 18n troi (don vi do mdi truc 1a mét). Khi do:

o z
czpe
o5
- ‘s ~
T
oA
1% 3 ¥y
SO~ .” Huéng Déng
x-";‘fu'éng Nam
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a) Toa do cua diem A(8;3;10).

x=8+12t
b) Phuong trinh duong thang di qua vi tri cia hai chiéc flycamtai A va B la {y=3+8t .
z=10-2t
c) Mt phang trung truc ciia doan thing AB di qua M (L-2;1).
d) Trén mat dat nguoi ta dat mot thiét bj pha séng flycam sao cho c6 thé phé song hai chiéc flycam tai hai
vitri A, B cing mot Idc. Tong khoang cach ngan nhat tir thiét bi do dén hai chiéc flycam tai hai vi tri A
va B (lam tron dén hang phan tram) bang 25,46(m).
Loi gidi
3) b) 0 d)
PUNG PUNG PUNG SAI

a) Dwa vao hinh vé ta thay diém A c6 hoanh d¢ 1a 8, tung d6 1a 3 va cao d6 1a 10.
b) B(-4;-5;12).
Puong thing AB di qua diém A(8;3;10) va nhan AB=(12;8;-2) lam vecto chi phuong c6 phuong

Xx=8+12t
trinh 12 < y=3+8t .
z=10-2t

c) Goi 1(2;-1;11) 1a trung diém AB.
Mat phing di qua diém 1(2;-111) va nhan 1A=(6;4;-1) lam vecto phép tuyén c6 phuong trinh la
6(x—2)+4(y+1)-1(z-11)=0< 6x+4y—-z+3=0.

Thay toa do diém M (1,—2;1) vao phuong trinh mat phang ta dugc 6.1+ 4.(-2)-1+3=0 (ding).

)
\ y
oK S

N

Goi A'(8;3-10) la diém ddi xting v6i A qua mat phang (Oxy).

d

Véi moi diém H e(Oxy), tacé HA+HB =HA + HB > A'B.

Vay tong khoang cach ngan nhat tir thiét bi do dén hai flycam la A'B = 2173 = 26,31(m).
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PHAN III. (3 diém) CAu trac nghiém tra 10i ngan. Mbi cau héi thi sinh chi tra 1oi dap an.

Cau 1. Dé trang tri mdt birc twong hinh chir nhat c6 kich thudc 3mx4m trong phong, ban Hoa vé& 1én
twong mot hinh nhu sau: Trén mdi canh ctia mot hinh luc gidc déu c6 canh 2dm, v& mot canh hoa hinh
parabol. Pinh ctia parabol cach canh 3dm va nam phia ngoai hinh luc gidc déu. Pudng parabol di qua hai

dau mat caa mdi canh hinh luc gidc (tham khao hinh vé).

Hoi ban Hoa cd thé vé t6i da bao nhiéu hinh c6 cing kich thude nhu vay 1én birc tuong can trang tri?

Traloi: ....................
L i giai
Dap an: 34
2
Dién tich cua hinh luc giac déu canh bang 2dmla: 6. 2 f =643,

Gin truc toa dd Oxy cho mdt canh hoa. Dién tich cua mot canh hoa la dién tich phang hinh phang duéi
han boi d6 thi @b thi ham sb (P):y =ax®+bx+c sao cho (P) co6 dinh 1(0;3) va cat truc hoanh tai hai

diém (-1;0) va (1,0).

-1 1

o0

Phuong trinh parabol (P) la: y =-3x*+3.
2

Dién tich mot canh hoa dugc trang tri la: S = j|—3x2 +3|dx =4dm?’.
-1

Dién tich ciia mét bong hoa duoc trang tri 1a; 6+/3 +6.4 = 24 + 6+/3 dm?

Dién tich btrc twong hinh chir nhat c6 kich thuéc 3mx4mla: 3.4 =12m?* =1200dm?.

1200
24 + 6\/§

Vay ban Hoa c6 thé trang tri toi da 34 hinh c6 cling kich thudc nhu vay Ién birc tuong can trang tri.

Ti I¢ dién tich cta buc twong hinh chir nhat va dién tich mét béng hoa la: ~ 34,89

Cau 2. Xét chiéc chén trong mot bo am chén ubng tra, ban Dwong udc luong dugc rang chiéc chén

duoc tao thanh khi cho hinh phang gisi han bai do thi ham s6 f (x) =0,14x° —0,87x* +1,92x +0,85, truc
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hoanh va hai duong thang x =0, x=3 quay quanh truc Ox (don vi trén mdi truc toa do la centimét).
Tinh thé tich cua chiéc chén (1am tron dén phan chyc cua centimét khéi).

IV y=flx)

Traloi: ..o
Loi giai
Pap an: 41,9

3
Thé tich ciia chiéc chén la: V =z [ (0,14 - 0,87 +1,92x+0, 85)2dx ~41,9(cm?).
0

Cau 3. Thdng ké hd so 250 hoc sinh khdi 10 trong d6 ¢6 150 hoc sinh nit va 100 hoc sinh nam. Sau khi
thong ké, két qua c6 60% hoc sinh nir 1a doan vién, 50% hoc sinh nam 13 doan vién; nhitng hoc sinh con
lai khong 1a doan vién. Chon ngau nhién mot hoc sinh trong 250 hoc sinh khéi 10. Tinh xac suat dé hoc
sinh dugc chon 1a doan vién.
Traloi: ....................
Léi giai
Pap an: 0,56
S6 hoc sinh nit 1a doan vién 1a 60%.150 =90 (hoc sinh).
S6 hoc sinh nam 1a doan vién 1a 50%.100 =50 (hoc sinh).
Xét bién cd: A 12 bién ¢ “Chon dugc hoc sinh 1a doan vién”.
B 1a bién ¢ “ Chon duoc hoc sinh nam”. Khi do:
100 2. 2 3

( )‘2_50:§’ P(E):l—P(B):l—g:g.

P(A[B)=—2=0,5; P(A|§)=ﬂ=0,6.
100 150
Ap dung cong thirc x4c suat toan phan ta co:
= =\ 2 3
P(A)=P(B).P(A|B)+P(B|.P(A|B)==.0,5+-.0,6=0,56.
(A)=P(8) P(AIB)+P(B) P(A[B)= 20,5+

Cau 4. Do c6 anh kim loai va mau vang éng, pyrit (FeS,) con dugc goi la vang gam. Thudng gip

dudi dang 1ap phuong hoidc bat dién hoan hao, d6i khi nhiéu tinh thé dinh 1ién nhau. Thinh thoang ciing
thiy cac khdi lap phuong pyrit bi mat mot goc, tao thanh mot hinh chép tam giac déu.
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Xét mot khdi 1ap phuong pyrit canh 3 cm, bi mat mot goc dudi dang hinh chép tam giac déu c6 cac canh
bén dai 1 cm.

~
[]

Phuong trinh ctia mat phang v ¢6 dang ax+by+cz+2=0. Tim a+b+c
Traloi: ....................
Loi giai
Dap an: -1
Taco A(3;2;3),B(2:3;3),C(3;3,2)
AB =(2-3;3-2;3-3) = (-1,10)
AC =(3-3;3-2,2-3) = (0;1;-1)
i=| AB,AC |=-1-1)

Phuong trinh mit phang di qua diém A(3;2;3)

1(x-3)-Uy-2)-1(z-3)=0

=>Xx-3-y+2-2+3=0

S X-y-2+2=0

—a+b+c=-1

Cau 5. Ban vé& thiét ké cia mot cong trinh dugc v& trong mot hé truc toa do Oxyz. San nha cua cong

trinh thuoc mit phang (Oxz), dudng Ong thoat nuéc thang va di qua hai diem A(L;2;3),B(-14;-2).

Tinh gdc tao boi dudng dng thoat nudc va mit san (Iam tron két qua dén hang phan chuc cua do).

Traloi: ....................

Loi giai
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Pap an: 20,4

Mt phing (Oxz) c6 vecto phap tuyén 1a j=(0;10).
Puong thing AB ¢6 vecto chi phuong 1a AB =(-2;2;-5).

0.(-2)+1.2+0.(-5)] 2433 N
N X

Viy goc gitra dudng 6ng thoat nude va mat san la khoang 20,4°.

Taco sin(AB,(Oxz)):

AB,(Oxz))~ 20,4°.

Cau 6. Trong khdng gian Oxyz , gia st tai mot thoi diém, mot thiét bi GPS xac dinh dugc khoang cach
tir nd t6i ba vé tinh A, B,C tuong ung la J5 ; V2 :2. Tai thoi diém d6, cac vé tinh trén & vi tri co toa do 1a

11 V7

A(2;0;0),B(0;2;0),C (0 — —] Tir thong tin trén, ta hoan toan co thé xac dinh toa do ciing nhu vi do

va kinh d cta vi tri thiét bi GPS. Gia su tai thoi diém d4 cho, thiét bi GPS & vi tri P(x;y;z). Tinh

P=x+y+z.

Traloi: ....................

Loi giai

Pap an: 13
Do thiét bi thuoc mit dit va PA=+/5 nén x?+y? +2% =1 (1) va (x=2)" +y2+22 =5 (2).
Trir vé theo vé cua (1) va (2), ta duge 4x—4=—-4. Vay x=0.

Do PB=+/2 nén x*+(y—2)*+2*=2 (3)

Trir vé theo vé cua (1) va (3), ta dugc 4y—4=-1. Vay y :%

Thay x=0, y :% vao phuong trinh (1), ta dugc 0° +%+ 7* =1.

f 3.7

7
Suyra z =7 hodc z=——. Kiém tra diéu kién PC =2, tathiy chi c6 diém P(O L T]
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Vay P =x+8y+47z :0+8%+4ﬁ.§:13.
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

DE SO 4
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.

Caul. Hamso f(x)=-4x"—5sinx+10In|x|+10 la mot nguyén ham ciia ham sb nao?

A. —28x5 +5cosx+£. B. —%xg +5cosx+£+10x+c .
X X

C. —ix8 +5cosx+9. D. —28x5 —5cosx+9.
X X

Cau2. Cho ham s6 y=f(x)c6 dao ham y=f'(x) lién tuc trén doan [0;5]va do thi ham sb

y = f'(x) trén doan [0;5] dugc cho nhu hinh bén.

l-"--m :=
0 35 X
-5
Tim ménh d dung
A. £(0)=f(5)<f(3). B.f(3)< f(0)=f(5).
C. £(3)<f(0)<f(5). D. f(3)< f(5)< f(0).

Cau3. Cho hamsb y= f(x). Biét rang phan hinh phang gi6i han béi S, va S, (xem hinh v& duéi

4
day) c6 dién tich lan lut bang 7 va 2. Tich phan [ f(x)dx béng
-1

A 9. B. -5. C. -9. D.5.
Cau 4. Dién tich hinh phang gi6i han boi 2 duong y=x?—1va y = x—1 bang:
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1 13 13x Vs
A —. B. —. cC.—. D. —.
6 6 6 6

Cau5. Cho mgt vat thé trong khong gian Oxyz. Goi B la phan vat thé gi¢i han boi hai mit phang

vudng goc véi truc Ox tai cac diém co hoanh d6 x = a;x =b. Mot mit phiang vudng goc véi truc Ox tai
diém c6 hoanh d 1a x cét vat thé theo mit cat c6 dién tich 1a S(x).Gia st S(x) la ham s lién tuc trén

doan [a;b]. Khi d6 thé tich V cua phan vét thé B tinh theo cong thirc
b b b b
A.V:ﬂ'J.S(X)dX. B.V:ﬂj[s(x)]zdx. C.V:IS(x)dx. D.VZiTZJ.S(X)dX.

Cau 6. Cho hinh phang gi¢i han boi do thi ham sé y = x? va duong thang y =4 quay quanh truc Ox.

Thé tich khéi tron xoay sinh ra bang:

R el il

1 \

A 8 B, 1287 c. 2567 p, 1527

5 5 5 5

Cau 7. Cho haibiéncé A va B,véi P(B)=0,8, P(A|B)=0,7, P(A|B)=0,45.Tinh P(B|A).

A. 0,65. B. 0,25. C. 0,5. D. 2—2

Cau 8. Trong mot hop kin c6 30 thé Ticket, trong d6 ¢ 2 thé trang thuong. Ban Minh Hién duoc chon
I&n boc tham l1an lwot hai thé, khong tra lai. Xac suit dé ca hai thé déu 1 hai thé tring thuong la
AL B. —. c. L. D. =
458 285 870 435
Cau 9. Trong khdng gian Oxyz, cho mat cau (S) c6 tam 1(L1;0) va ban kinh bang 5. Phuong trinh

cua (S) la
A (x+1)" +(y-1)" + 2% = 25. B. (x+1)" +(y-1)"+2*=5.
C. (x=1)" +(y-1)"+22 =25. D. (x-1)" +(y+1)" +22 =5
Cau 10. Trong khéng gian Oxyz , duong thing d :%2:%2 =§ di qua diém nao trong cac diém sau

day?
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A. B(0;,-6;-6). B. A(-2;2;0). C. C(4,0;3). D. D(3;0;3).

Cau 11. Trong khdng gian Oxyz , goc giita hai mat phang Oxy va Oxz bang

A. 45°. B. 30°. C. 90°. D. 60°.
X=1+t
" ~ . e n R ] X o y=-3 z-1 e, ,
Cau 12. Trong khéng gian véi hé toa do Oxyz, cho d:cy=-3-t,d 3= -1 Khi d6 khoang
7=2+2t -

cachgitta d va d' la

A. —13@ .
30

C. —9\/% .

10

w%‘
o

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), c¢), d) & mdi ciu, thi sinh chon
ding hoac sai.
_2x+1

Caul. Chohamsé f(x)= -

a) If(x)dx:2x+ln|x|+C.
b) Goi F(x) l1a mot nguyén ham ciia ham s6 f (x) va théa man F(1)=3. Khido F(x)=2x+In|x|+1.
-1
f'(2x)dx=—+C.
c)j (2x)dx e
d) Goi G(x) Ia 6t nguyén ham ciia ham s6 f (x). Biét G(2)=1 va G(5)+G(-5)=0. Khi d6 tim duogc

G(-10)=aln10+bIn5+cIn2+d, véi a,b,c 1a cac s6 hitu ty. Khi dé a+b+c+d =-19.

Cau2. Mot ki su A thiét ké mot mo hinh duong ham nhu bén dudi. Biét rang dudong ham mé hinh c6
chiéu dai 5(m). Khi cit mé hinh ndy béi cac mit phang vudng goc voi day cua nd, ta duoc thiét dién 13

mot hinh parabol c6 do dai day gip doi chiéu cao cua parabol (nhu hinh v&). Dién tich cta thiét dién 1a
S(x) va chiéu cao ciia moi thiét dién parabol cho boi cong thie h= 3_EX voi x (mét) la khoang cach

tinh tir 16i vao 16n hon cta duong ham mé hinh dén mat phing chira thiét dién.

S AN

h 2
a) Dién tich thiét dién duoc tinh boi cong thirc S =2 I (h —erdx .
0
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5
b) Thé tich ctia dudong ham duoc tinh theo cong thirc: V =7 j S?(x)dx (m3) :
0

2
¢) Parabol c6 chidu cao h, do dai day bing 2h c6 phuong trinh 12 y = _XF+ h.

d) Thé tich ctia hdm 1a 29,89 (m®) (Iam tron dén hang phén tram).

Cau 3. Trong mot 16 san phim c6 3 hop loai I va 5 hop loai II. Biét rang trong mdi hop loai I ¢6 97 san
pham tét va 3 phé pham, trong mdi hop loai IT ¢6 95 san pham t6t va 5 phé phim. Ly ngau nhién tir 16

san pham d6 mot hop, rdi tir hop do6 1y ra ngau nhién dong thoi hai san pham.

a) Xac suat dé hop duoc chon 1a hop loai I bang g .

b) Néu hop duogc lay ra 1a hop loai I thi x4c suat dé ca hai san pham lay ra khong c6 phé pham bang g

C) X&c suat dé ca hai san pham ldy ra khong c6 phé pham bang % :
d) Biét rang trong hai san pham ly ra c6 ding mot phé pham, xac suat dé hop 1ay ra 1a hop loai I bang
203
2475
R A . A, R . B X+2 y-2 7 .
Cau 4. Trong khong gian véi hé truc toa do Oxy, cho duong thang d ] va mat

phing (P):x+2y-3z+4=0.

a) Vecto n(L1-1) la mdt vecto phap tuyén ciia mat phang (P).

b) Puong thang d di qua diém A(-2;2;0).

c) Goc gitta duong thang d va mat phang (P) bang 22,2° (két qua lam tron dén hang phan mudi).

d) Puong thang (A) nam trong mit phang (P), vudng goc va cat duong thang d . Khoang céach tir goc

toa do O dén dudng thang (A) bang Vi1,

PHAN III. (3 diém) CAu trac nghiém tra 101 ngian. Mdi cau héi thi sinh chi tra 1oi dap an.
Cau l. Mot cong ty thué thg vé logo cong ty nhu hinh vé 1én mot burc tuong 16n. Logo c6 dang la mot
bdng hoa c6 6 cach hoa gibng nhau, sip xép cach dé nhu hinh V&.
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Dbé chinh xac hoa kich thudc va hinh dang nhu hinh vé, moéi canh hoa dwoc thiét ké nhu sau: Trong mat

phang Oxy (mdt don vi tng v6i 1 mét trén thuc té), mot canh hoa duoc xem 1a mot hinh phang gidi han

_ 23
boi do thi ham s6 bac ba y:%ﬂ(@v& mot duong parabol (P):y=ax?+bx+c (a=0).

(C)va(P) cit nhau tai hai diém O(0;0), M (6;2) va (P) di qua diém N(3;0). Biét rang chi phi v& logo
ndi trén duoc tinh dya trén mdi mét vudng canh hoa dugc v&, mdi mét vudng duge bao gia 1a 210 nghin
ddng. Hay tinh chi phi vé logo d6 (don vi: nghin dong, 1am tron két qua dén hang don vi).

Traloi: ....................

Cau 2. Khi cit vat thé bsi mit phang vudng goc véi truc Ox tai diém c6 hoanh @9 1a x (0<x<3), ta

dugc mat cat 12 mot hinh vudng cé canh 1a /9—x? . Tinh thé tich caa vat thé da cho.

Traloi: ....................

Cau 3. Trong ki kiém tra mon Toan cia mot truong THPT ¢6 400 hoc sinh tham gia, trong d6 c¢6 190
hoc sinh nam va 210 hoc sinh nit. Khi cdng b két qua cua ki kiém tra d6, ¢ 100 hoc sinh dat diém gioi,
trong d6 c6 48 hoc sinh nam va 52 hoc sinh nit. Chon ra ngau nhién mét hoc sinh trong s6 400 hoc sinh
d6. Tinh xac suat dé hoc sinh dugc chon ra dat diém gioi, biét rang hoc sinh d6 1a nit (két qua 1am tron
dén chir s6 thap phan th hai).

Traloi: ....................

Cau 4. Khi gian hé toa 46 Oxyz (don vi trén mbi tryc tinh theo mét) vao mot cin nha sao cho nén nha
thudc mit phang (Oxy), nguoi ta coi mdi mdi nha 1a mot phan cua mét phang va thiy ba vi tri A,B,C &
mai nha bén phai lan luot cé toa do (1,0;3), (5;0;1) va (5;9;1). Goc giita méi nha bén phai va nén nha
bang bao nhiéu do (1am tron két qua dén hang don vi)?

Traloi: ....................

Cau 5. Ericsson Globe (Thuy Bién) la toa nha ban cau Ién nhat trén thé gii (nam 2020), véi hinh dang
MmOt qua cau mau tring co duong kinh 110 m va chiéu cao bén trong 85 m, né c6 du chd ngdi cho 16 000
khén gia cia cac budi biéu dién hoa nhac hozc 13 850 khan gia caa cac tran dau khlc con cau trén bing.
Gia str ta biéu dién mo phong cua toa nha Ericsson Globe trong hé truc toa do Oxyz boi mot mat cau co
tam I, duong kinh 110 m va OA = 85 m nhu hinh vé& (don vi trén truc la mét). Biét phuong trinh cia mat

cau nay c6 dang (x—a)’ +(y—b)’ +(z—-c)” = R?, hay tinh gi4 tri biéu thac T =a+b+c+R.
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Traloi ..ooooeeeeeenen,

Cau 6. Khi gan hé toa dd Oxyz (don vi trén mdi truc tinh theo mét), mot tau ngam bat dau lian tai diém
P(100;200;0) véi van tée 11,1 hdi ly/gidr theo huéng téi muc tiéu Z (500;600;-80) cho dén khi dat do
sau 80 m (1 hai ly/gio sap xi 1,852 km /h)

Sau d6, tau tiép tuc di chuyén ngang huéng theo vecto U= (1;1;0) v6i van tde 11 hai Iy/gid. Mot qua ciu
T duge tha dong thoi khi tau ngam bat dau ldn, tir tau nghién ctru S(700;800;0) va roi thing ding
xudng voi van toc 0,5m/s. Tinh khoang cach tau ngam véi qua cau khi tau ngam di dén thang dudi S

(lam tron két qua dén hang don vi cia mét)

Sooey

80m

Traloi: ....................
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LOI GIAI CHI TIET

PE SO 4

PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i cau héi thi sinh chi chon mét
phuong an.

Caul. Hamso f(x)=-4x"—5sinx+10In|x|+10 la mot nguyén ham ciia ham s6 nao?

A. —28x5 +5cosx+£. B. —%xg +5cosx+9+10x+c .
X X

C. —%xg + 5c08X +Q. D. —28x5 —5cosx+9.
X X

Loi giai
Chon D.

Ham sb f(x):—4x7—55inx+10|n|x|+10 nén f’(x):—28x6—5cosx+9.
X

Cau2. Cho ham s6 y=f(x)c6 dao ham y=f'(x) lién tuc trén doan [0;5]va do thi ham sb

y = f'(x) trén doan [0;5] dugc cho nhu hinh bén.

-1'.“
7
0 35 X
=5
Tim ménh & dung
A. f(0)=1f(5)<f(3). B.f(3)< f(0)=f(5).
C. f(3)<f(0)<f(5). D. f(3)< f(5)< f(0).
Loi giai
Chon D.
Dua vao d6 thi hams6 y = f '(x) ta c6 bang bién thién
T 1] i1 3 0
o 0 { )
f(0) f(5)
fla)
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Ma s, >S,=—f(a)+f(0)>f(5)-f(a)= f(0)> f(5).
Vay f(3)< f(5)< f(0).

Cau3. Cho hamsb y= f(x). Biét rang phan hinh phang gi6i han béi S, va S, (xem hinh v& duéi

4
day) c6 dién tich lan lut bang 7 va 2. Tich phan [ f(x)dx béng
-1

A 9. B. -5. D.5.
Loi gii
Chon D.
4 2 4
Tirhinh vé taco [ f(x)dx=[ f(x)dx+[f(x)dx=8,-8,=7-2=5.
-1 - 2
Cau 4. Dién tich hinh phang gi6i han boi 2 duong y=x?—1va y = x—1 bang:
AL B 1. c.Bx D. Z.
6 6 6 6

Loi giai
Chon A.
< R a . L2 Y C s Z s 2 2 x=0
Phuong trinh hoanh d¢ giao diém hai do thihamso la: x“-1=x-1< x"-x=0< A
X =

X3 x? '
(?_?]
0

Cau5. Cho mgt vat thé trong khong gian Oxyz. Goi B la phan vat thé gidi han boi hai mit phang

1
Dign tich hinh phang Ia: S = [|x* —X|dx = _ :%.
0

i(xz—x)dx

vudng goc Véi truc Ox tai cac diém c6 hoanh d6 x = a;x =b. Mot mit phiang vudng goc véi truc Ox tai
diém c6 hoanh d¢ 1a x cdt vat thé theo mit cdt c6 dién tich 1a S(x).Gia st S(x) la ham s lién tuc trén
doan [a;b]. Khi d6 thé tich V cua phan vét thé B tinh theo cong thirc
b b ) b b
A.V:ﬂjS(x)dx. B.V:ﬂj[s(x)] dx . C.V:IS(x)dx. D.V:ﬂsz(X)dX.
Loi giai
Chon C.

b
Thé tich vat thé B: V =[S (x)dx.
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Cau 6. Cho hinh phang gi¢i han boi d6 thi ham sé y = x? va duong thang y =4 quay quanh truc Ox.

\
\ 4

\ i

Thé tich khéi tron xoay sinh ra bang:

I
I
I
I ]
| I
| I
1 1 X
: ! /O S\ : !
oty v
' ‘\u "
[ |
iy 1
‘\17 ‘\‘"
R SN N P
1 \
A %7 g. 1287 c. 2267 p. 1527
5 5 5 5
Loi giai

Chon C.
Phuong trinh hoanh d6 giao diém 1a: X’ =4< x> -4=0< x=+2

2\2 2|y, 2567
(x)—4dx_ e

2
Thé tich khéi tron xoay 1a: V = 7 j
-2

Cau 7. Cho haibiéncé A va B,véi P(B)=0,8, P(A|B)=0,7, P(A|B)=0,45.Tinh P(B|A).

A. 0,65. B. 0,25. C.05. p. 2%
65
Loi giai
Chon D.
Theo cdng thirc xac suat toan phan:
P(A)=P(B).P(A|B)+P(B).P(A|B)=0,8.0,7+0,2.0,45=0,65.

Theo cong thirc Bayes:

P(B).P(A|B) 0,8.0,7 56
P(BIA)= P(A) 065 65

Cau 8. Trong mot hop kin c6 30 thé Ticket, trong d6 ¢ 2 thé trang thuong. Ban Minh Hién duoc chon
I&n boc tham l1an luot hai thé, khong tra lai. Xac suit dé ca hai thé déu 1 hai thé tring thuong la

A 4i58 B. ZLSS C. % D. 4%5

Loi giai

Chon D.
Goi A la bién ¢ “ thé thtr nhat tring thuong ”
Goi B 1a bién ¢ “ thé thir hai tring thusng .
Khidé AB 1a bién cb “ ca hai thé déu 1 hai thé tring thuéng .
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Taco P(A)=2 == va P(B|A)=—.

30 15 29
X P(AB) 11 1
Ma P(B|A)=—— = P(AB)=P(A).P(B|A)=—.—=——.
AP(BIA)=D ) = P(AB)=P(AP(BIA) =15 56 = 3

Céch 2: Goi C 1a bién cb “ca hai the déu Ia hai thé trang thuong”
Khéng gian mau: n(Q)=C;,.C;, =30.29
Bién cb thuan loi C: n(C)=C;=2

n(C) 2 1

Do dé: P(C)=1) o2
0 80 P(C) =15 3029 ~ 435

Cau 9. Trong khdng gian Oxyz, cho mat cau (S) c6 tam 1(L1;0) va ban kinh bang 5. Phuong trinh
cua (S) la
A (x+1)" +(y-1)" + 2% = 25. B. (x+1)" +(y-1)" +2*=5.

2

C. (x=1)" +(y-1)" +22 =25. D. (x-1)" +(y+1)" +22 =5
Loi gidi

Chon C.

Phuong trinh mit cau (S) cétam 1(L10) va béan kinh bang 5:

(x-1)" +(y-1)"+2°=25.

Cau 10. Trong khéng gian Oxyz , duong thiang d :%2 = y%Z :é di qua diém nao trong cac diém sau
day?
A. B(0;,-6;-6). B. A(-2;2;0). C. C(4,0;3). D. D(3;0;3).
Léi giai
Chon C.
A . A 5 s . 2 X-2 y+2 1z
¢ Thé B(0;-6;-6) vao phuong trinh dudng thang d ===y
0-2,-6+2_—6_
2 2 3
X .o \ N . 3 X=-2 y+2 7.
¢ Thé A(-2;2;0) vao phuong trinh dudng thang d ==y
ﬂiﬂ;tg:} Ag d
2 2 3
X A \ N . 2 X=-2 y+2 7.
¢ Thé C(4;0;3) vao phuong trinh duong thang d =, =g
4-2_0+42_3_ .~ _y4
2 2 3
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¢ Thé D(3;0;3) vao phuong trinh duong thing d : X22 y;—Z %:
3— 2¢0+2 3 —~Ded
2 2 3

Cau 11. Trong khdng gian Oxyz , goc giita hai mat phang Oxy va Oxz bang
A. 45°. B. 30°. C. 90°. D. 60°.
Lo giai
Chon C
G6c giira hai mat phang Oxy va Oxz bang 90°.

X=1+t
Cau 12. Trong khéng gian voi hé toa do Oxyz, cho d:cy=-3-t,d ':Z:y—_lg’:le Khi d6 khoang
z2=2+2t
cachgitta d va d' la
A 13030 g, Y30 c. W3 D. 0
30 3 10
Loi giai

Chon C
Tacod A(L-3;2)ed, B(O; 31)ed’ va l](l; -1 2),5‘(3; —1;1) lan luot 1a vecto chi phwong cua d,d

Taco d(d,d'):

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), c), d) & mdi ciu, thi sinh chon
ding hoac sai.

2x+1
-

Caul. Chohamsé f(x)=
a)j X)dx = 2x+In|x|+C.
b) Goi F(x) la mot nguyén ham ciia ham s6 f (x) va théa man F(1)=3. Khido F(x)=2x+In|x|+1.
-1
f'(2x)dx=—+C.
c)j (2x)dx 4x+

d) Goi G(x) Ia ot nguyén ham ciia ham s6 f (x). Biét G(2)=1 va G(5)+G(-5)=0. Khi d6 tim duogc

G(-10)=aln10+bIn5+cIn2+d, véi a,b,c 1a cac 6 hiru ty. Khido a+b+c+d =-19

Loi giai
a) b) c) d)
PUNG PUNG SAI SAI
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a) J' f (x)dx =2x+In|x|+C.

_2x+1

Taco f(x) "

1 1
_2+;:>J. f (x)dx_j(2+;jdx_2x+|n|x|+C.

b) Theo céu a): F(x):jf(x)dx:2x+ln|x|+C.
Vi F(1)=3nén C =1.

Vay F(x)=2x+In|x|+1.

: -
c) jf (2x)dx_4X+C.

. ey 1 , 1
Tacod f (X):—?z f (ZX):—W.
: N TV
jf(Zx)dx_ Iﬁdx_4x+c'
2x+Inx+C

Tacé =2x+1 = :
d) Tacéd G(x)=2x+In|x|+C 2x+1n(=x)+C,

G(2)=1=22+In2+C,=1=>C,=—-3In2.
G(5)+G(~5)=0<>25+In5-3-In2+2.(-5)+In5+C, =0=C, =3+In2-2In5.
Do d6 G(—lO):2.(—10)+In10+3+|n2—2|n5:InlO—2In5+In2—17.

Vay a+b+c+d=1+(-2)+(1)+(-17)=-17.

Cau2. Mot ki su A thiét ké mot mo hinh duong ham nhu bén dudi. Biét rang duong ham mé hinh c6
chiéu dai 5(m). Khi cit mé hinh ndy béi cac mit phing vudng goc voi day cua nd, ta duoc thiét dién 13

mot hinh parabol c6 do dai day gip doi chiéu cao cua parabol (nhu hinh v&). Dién tich cta thiét dién 1a
S(x) va chiéu cao ciia moi thiét dién parabol cho boi cong thie h= 3—EX voi x (mét) la khoang cach

tinh tir 16i vao 16n hon cta duong ham mé hinh dén mat phing chira thiét dién.

By L

h

h 2
a) Dién tich thiét dién duoc tinh boi cong thirc S =2 I (h —erdx .
0

5
b) Thé tich ctia duong ham dugc tinh theo cong thic: V =7 j S?(x)dx (m3) :
0
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2
¢) Parabol c6 chidu cao h, do dai day bing 2h c6 phuong trinh 12 y = _XF+ h.

d) Thé tich ctia hdm 1a 29,89 (m®) (lam tron dén hang phn trim).

Loi giai
a) b) c) d)
PUNG SAI PUNG SAI

Thiét dién parabol c6 chiéu cao h, do dai day bang 2h c6 phuong trinh: (P):y=ax’+h (a<0).
Theo hinh v&, diém (h;O)e(P):>0:ah2+h<:>a:—% (do h>0).

X2

:(P):y:—F+h.
i h X2 h X2
a) Di¢n tich cta thiét di¢n: § = [| h—=— dx = 2[| h—=— ldx.
-h h 0 h

5
b) Thé tich ctia duong ham dugce tinh theo cong thirc: V = j S(x)dx (m3) :
0

2
¢) Parabol c6 chidu cao h, do dai day bing 2h c6 phuong trinh 12 y = _XF+ h.

h X2 X3 h
d) Taco S :Zj(h——]dx:z(hx——]
. h 3h

0

2 2
=ﬂ. Ma h:3—gx nén S(x):ﬁ(3—gx] .
3 5 3 5

Thé tich ctia dudong ham d4 cho Ia:
: a2 Y
V=[s(x)dx=] —(3——x] dx ~ 28,89 (m°)
) 1307 5
Cau 3. Trong mot 16 san phim c6 3 hop loai I va 5 hop loai II. Biét rang trong mdi hop loai I ¢6 97 san
pham tét va 3 phé pham, trong mdi hop loai II c6 95 san pham t6t va 5 phé phim. Ly ngu nhién tir 16

san pham d6 mot hop, rdi tir hop d6 1y ra ngau nhién dong thoi hai san pham.
a) Xac suat dé hop duoc chon 1a hop loai I bang g .

b) Néu hop duogc lay ra 1a hop loai I thi x4c suat dé ca hai san pham lay ra khong c6 phé pham bang g

C) XA&c suat dé ca hai san pham lay ra khong c6 phé pham bang % :

d) Biét rang trong hai san pham ldy ra c6 ding mot phé pham, xac suat dé hop 1ay ra 1a hop loai I bang

203
2475

Loi gidi
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a) b) c) d)
PUNG PUNG SAI SAI
A
3
8 B
S
8 B,
B

Cioa
Goi B, la bién cd lay dugc hop loai 1.
Goi B, la bién c6 lay duoc hop loai 2.

Goi A 1a bién ¢ hai san pham Iy ra khong c6 phé pham.

Goi B 1a bién c6 hai san pham l4y ra c6 ding mot phé pham.

2 2 1 1 1 1
P(B)=g. P(B.)=¢, P(A)=g clta oo P(B) -3 B2 S
8 8 8 C100 8 ClOO 8 C100 8 ClOO
a) Xac suat dé hop duoc chon 1a hop loai I bang g
3¢
P(AB C? 2
b)P(AlE,) = (AB) _8'Cly _ 037 _T76
P(B,) 3 Ciw 825
8
2 2
c) P(A):g. C§7 £ Cgs L1833 i
8 Cwy 8C,, 2000
3C,C)
P(B,B " C2
d)P(BllB): (1 ): 18 1Cloo 1 1:873'
P(B) 3 Cy;C; 5 CiC; 3248
— =8
8 C100 8 C100
Cau 4. Trong khong gian v&i hé truc toa do Oxy, cho duong thiang d :X%Z:yfzzil va mat

phing (P):x+2y-3z+4=0.
a) Vecto n(L1-1) la mdt vecto phap tuyén ciia mat phang (P).

b) Puong thang d di qua diém A(=2;2;0).

c) Goc gitta duong thang d va mat phang (P) bang 22,2° (két qua lam tron dén hang phan mudi).
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d) Duong thang (A) nam trong mit phang (P), vudng goc va cat duong thang d . Khodng céach tir goc

toa o O dén dudng thang (A) bang Vi1,

Loi gii
a) b) c) d)
SAI PUNG SAI SAI

a) Tur phuong trinh (P):x+2y—3z+4=0 tacd mét vecto phap tuyén cua (P) 1a v(12;-3).

Do % # % # _—; nén n(LL-1) khongla mot vecto phap tuyén ciia mat phing (P).

b) Thay toa d diém A(—2;2;0) vao phuong trinh d :X%Z = y%Z = il ta thiy thoa man nén A thudc d.

c) Goc gitta duong thing d va mit phang (P) duoc tinh bang:

[1.1+1.2+(-1).(-3) 6

sin(d, P) = _
S+ (1 12422 4 (-3 314

:>(d, F’)z67,8O

d) Pudng thing (A) ndm trong mit phang (P), vudng goc dudng thing d nén mét vecto chi phuong
clia (A) chinh la tich c6 hudng giira vecto phap tuyén cia (P)Ia v(L2;-3) va vecto chi phuong cta d 1
u(LL-1).

Ta tinh duge g = [\7; ﬁ] =(L,-2,-1).

Do duong thang (A) nam trong mat phing (P)va cit duong thing d nén giao diém d6 chinh 14 giao
diém cua mat phang (P) cat duong thang d .

Goi giao diém can tim 1a M. Toa do giao diém c6 dang M (-2+t;2+t;-t). Do M thudc (P) nén ta c6
(-2+1)+2(2+t)-3(-t)+4=0=>t=-1=>M(-3;11).

Vay khoang cach tir goc O téi (A) la:

OM:q
s-| \a\ﬂ“}fs

PHAN III. (3 diém) CAu tric nghiém tra loi ngin. M&i cAu héi thi sinh chi tra 1oi dap an.
Cau l. Mot cong ty thué thg vé logo cong ty nhu hinh vé 1én mot buirc tuong 16n. Logo c6 dang la mot

bdng hoa c6 6 cach hoa gibng nhau, sip xép cach dé nhu hinh V&.
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Pé chinh xac hoa kich thudc va hinh dang nhu hinh v&, mdi canh hoa duoc thiét ké nhu sau: Trong mat

phang Oxy (mdt don vi tng v6i 1 mét trén thuc té), mot canh hoa duoc xem 1a mot hinh phang gidi han

(x=3)°

boi do thi ham s6 bac ba y= +1(C)vad mot dudng parabol (P):y=ax?+bx+c (a=0).

(C)va(P) cat nhau tai hai diém O(0;0),M (6;2) va (P) di qua diém N(3;0). Biét rang chi phi vé& logo
ndi trén duoc tinh dya trén mdi mét vudng canh hoa dugc v&, mdi mét vudng duge bao gia 1a 210 nghin
ddng. Hay tinh chi phi vé logo d6 (don vi: nghin ddng, 1am tron két qua dén hang don vi).
Traloi ..ooooeeeeeennn,

Loi giai
Dap an: 5040
(P) di qua diém O(0;0)nén (P) di qua 2 diémM(6;2) va N(3;0) nén ta c6 hé phuong trinh

1
a=—
9

S
9a+3p=0 | _-1
3

{36a+6b =2

1, 1
Suyra: (P):y==x“—-=x
y ()y9 3

;3
Khi d6, dién tich ctia logo la S = 6[5(%+1}—(% G —%x jdx =24

Chi phi vé& logo 1a 24.210 = 5040 (nghin dong)

Cau 2. Khi cit vat thé bsi mit phang vudng goc véi truc Ox tai diém c6 hoanh @9 1a x (0<x<3), ta

dugc mat cat 12 mot hinh vudng cé canh 1a +/9—x? . Tinh thé tich caa vat thé da cho.

oo Y =
',’,\/9—1-2
x
o x 3 7
Traloi: ....................
Loi giai
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Pap an: 18

Ta c6: mat cat cua vat thé 1a mot hinh vudng c6 canh 1a v9—x* nén dién tich mat cat Ia:
2

5(x)=(v8-x) =9-x",do 9-x 20, ¥x<[0;3].

3

3 3 3
Thé tich cua vat thé da cho la; V :jS(x) dx:j(9—x2) dx=(9x—%]
0

0

=18.

0
Cau 3. Trong ki kiém tra mon Toan cua mot truong THPT ¢6 400 hoc sinh tham gia, trong d6 c¢6 190
hoc sinh nam va 210 hoc sinh nit. Khi cdng b két qua cua ki kiém tra do, ¢ 100 hoc sinh dat diém gioi,
trong d6 c6 48 hoc sinh nam va 52 hoc sinh nit. Chon ra ngau nhién mét hoc sinh trong s6 400 hoc sinh
d6. Tinh xéac suat dé hoc sinh dugc chon ra dat diém gioi, biét rang hoc sinh d6 1a nit (két qua lam tron
dén chir s6 thap phan th hai).
Traloi: ....................

Loi giai
Pap an: 0,25
Xét hai bién ¢ sau:
A: “Hoc sinh duoc chon ra dat diém gioi”;
B : “Hoc sinh dugc chon ra la hoc sinh nix”.
Khi d6, xac sudt dé hoc sinh duoc chon ra dat diém gioi, biét rang hoc sinh d6 1 nir I xac suat caa A Voi
diéu kién B.

C6 52 hoc sinh nit dat diém gioi nén: P(AB) :45—020= 0,13.

210

C6 210 hoc sinh nir nén: P(B)=——-=0,525.
400
Do do, P(A[B)= P(#B) _ 0.13 ~0,25.
P(B) 0,525

VAy x4c suat dé hoc sinh duoc chon ra dat diém gioi, biét rang hoc sinh d6 1a nir 1a 0,25.
Cau 4. Khi gian hé toa 46 Oxyz (don vi trén mbi tryc tinh theo mét) vao mot cin nha sao cho nén nha
thudc mit phang (Oxy), nguoi ta coi m&i mdi nha 14 mot phan cua mét phang va thiy ba vi tri A,B,C &
mai nha bén phai lan luot c6 toa do (1,0;3), (50;1) va (5;9;1). Goc giita méi nha bén phai va nén nha
bang bao nhiéu do (1am tron két qua dén hang don vi)?
Traloi ..oooeeeeeennn,

Loi gii
Dap an: 27
Mt phang (ABC) ¢6 cip vecto chi phuong 1a AB(4;0;-2) va BC(0;9;0).

Taco: | AB,BC | =(18;0;36).
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Do d6, vecto phép tuyén cia mit phang (ABC) l1a i, =(1;0;2)

Lai c6, (Oxy) c6 vecto phép tuyén la fi, =(0;0;1).

Tir d6, goc ¢6 o gitra mai nha bén phai va nén nha cd cosa "
Suyra a~27°.

Cau 5. Ericsson Globe (Thuy Bién) la toa nha ban cau Ién nhat trén thé gii (nam 2020), véi hinh dang
mot qua cau mau tring co duong kinh 110 m va chiéu cao bén trong 85 m, né c6 du chd ngdi cho 16 000
khén gia cia cac budi biéu dién hoa nhac hozic 13 850 khan gia caa cac tran dau khlic con cau trén bing.
Gia str ta biéu dién mé phong cua toa nha Ericsson Globe trong hé truc toa do Oxyz boi mot mat cau co

tam 1, duong kinh 110 m va OA = 85 m nhu hinh v& (don vi trén tryc 1a mét). Biét phuong trinh cua mat

cau nay c6 dang (x—a)’ +(y—b)’ +(z—c)” = R?, hay tinh gi4 tri biéu thac T =a+b+c+R.

<

Traloi ..ooooeeeeeennn,

Loi giai
Dap an: 85
Theo gia thiét duong kinh 110 m nén ban kinh R =55m.
Tacé Ol =OA-1A=85-55=30 suyra |(0;0;30)
Vay phuong trinh m3t ciu can tim & x* + y? +(z —30)" =557
=T=a+b+c+R=85
Cau 6. Khi gin hé toa d6 Oxyz (don vi trén mdi truc tinh theo mét), mdt tau ngam bat dau lan tai diém
P(100;200;0) véi van téc 11,1 hai ly/gi¢ theo huéng téi muc tiéu Z (500;600;-80) cho dén khi dat do
sau 80 m (1 hai ly/gio sap xi 1,852 km /h)
Sau d6, tau tiép tuc di chuyén ngang huéng theo vecto U = (1;1;0) v&i van tde 11 hai Iy/gid. Mot qua cau
T dugc tha dong thoi khi tau ngam bat dau ldn, tr tau nghién ctru S(700;800;0) va roi thing ding
xudng voi van toc 0,5m/s. Tinh khoang cach tau ngam voi qua cau khi tau ngam di dén thiang dudi S

(lam tron két qua dén hang don vi cia mét)
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Sooey

80m

Traloi: ........oooeeenie,
Loi giai
Dap an: 5
Taco PZ = (400;400;-80).
X =100+ 400t
- Poan lan P — Z (dung ¢ do sau 80 m): < y=200+400t 0<t<1
z=0-80t
Xx=500+s
- Chuyén dong ngang tr Z theo vecto U= (L10): {y=600+s s>0
z=-80
X =700
- Qua cdu roi thang ding tir S: {y=800 >0
z=-0,57

- Tau di dén thang dudi S khi x =700,y =800=s=200.

- Thoigian: lan P> Z :t; = [PZ ] _ 80v5l ~100,05s;
111 5,7103
2002 20042

- Thoi gian di ngang téi dudi S :t, = ~49,98s.

11 56589
- Liic d6 qua cdu c¢6 2=-0,5(t, +t,)~—75m, con tau & z=-80m, viy khoang cach giita tau ngam véi

qua cau bang 5m
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

PE SO 5
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.
Cau 1. Nguyénhamcuahamso f(x)=2"+x la
2)( 2X+1 X2 2)( X2 X2

+x*+C. B. +=—+C. C +—+C. D. 2X+?+C.

A. .
In2 x+1 2 In2 2

9 9 9
Cau2. Biét j f (x)dx=37 va j[Bf (x)—2g(x)]dx=61. Tinh jg(x)dx bang.
0 0 0
A. —25. B. 25. C. -86. D. 86.
Cau 3. Dién tich cta hinh phang duoc giéi han béi do thi ham s6 y = f (x), truc hoanh va hai dudng

thing x=a,x=b (a< b) (phan t6 dam trong hinh V&) tinh theo cong thirc ndo dudi day ?

A.S:jf(x)dx+if(x)dx. B.S:jf(x)dx.

a

C. S:—jf(x)dx+if(x)dx. D.S=

a

Cau 4. Dién tich hinh phang giéi han bdi do thi ham s6 y = x* —2x,y = —2x* + 2Xx va hai dudng thing

x=0,x=1la

Al B.

w|N
O
N |-
O
w| b
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Cau’5. Chohamso y= f(x)=2x*+1.Goi (H) Ia hinh phing gi¢i han bi d6 thi ham s6 y = f (x),

truc hoanh va hai dudng thing x=a, x=b (a<b). Thé tich cta khdi trdn xoay tao thanh khi quay hinh

phang (H) quanh truc Ox dugc tinh theo cong thirc:

b b b

A. ﬂ'j(ZXz +1)dx. B. ﬂ'j(ZXz +1)2dx. C. J'(Zx2 +1)2dx. D.

a a a

D — T

(2x2 +1)dx.
Cau 6. Cho hinh phing (H) dugc gi6i han bai dd thi ciia ham s6 y = x* va db thi ctia ham s§ y =+/x
y

(tham khao hinh v&). Thé tich ctia khdi tron xoay thu duoc khi quay (H) quanh truc Ox bang

AY
y==z
| R 7=V
__.'E
O i
AvV=2T B.v = cv=2L, D.v='%
10 10 10 10

Cau 7. Cho hai bién c6 doc 1ap A va Bvéi P(A)=0,7,P(B)=0,2. Khidé, P(A|B)béng:

A. 0,3. B. 0,7 C. 0,8 D. 0,2.
Cau8. Cho hai bién ¢6 M va N, biét ring P(N)=0,7, P(M|N)=0,8, P(M|N)=0,4. Tinh
P(N M)

A.E. B.E. C.i. D.E.
17 17 17 17

Cau9. Trong khdng gian Oxyz, phuong trinh mat cau (S) c6 tam I(-12;1) va di qua diém

A(0;4;-1) la
A (x+1) +(y-2)" +(z+1)° =3. B. (x+1)" +(y-2)" +(z-1)" =9.
C. (x+1)"+(y-2)" +(z-1)" =3. D. (x+1)" +(y-2)"+(z+1)" =9.

Cau 10. Trong khong gian Oxyz, tinh khoang cach gitra duong thing d : x-1_y-3_2-2

va mat

2
phiang (P):x—2y+2z+4=0
Al B.O. C. 3. D. 2.
X=2+t X=1-t
Cau 11. Trong khong gian Oxyz , cho hai duong thang d,: <y =-1+t vad,:{y=2 . Goc gitra
z=3 z=-2+t

hai duong thang d; va d, Ia:
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A30°. B. 120°. C. 150°. D.60°.

Cau 12. Trong khong gian Oxyz cho diém M (1,2;-1) va mat phang (P):x+2y+z=0. Mt phing
(Q) qua M vasong song véi (P) c6 phuong trinh la

A X+2y+2+4=0. B. x+2y+z-1=0.C. x+2y-z-6=0. D. x+2y+z-4=0.

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), c), d) & mdi ciu, thi sinh chon
ding hoac sai.

Caul. Mot tén lira phong thiang ding tir mat dat voi van toc ban dau v, =50m/s. Gia toc cia tén hia
(do lyc day va trong luc) phu thudc vao thoi gian theo cong thirc a(t) :10—2t( m/ Sz). Sau thoi gian
10s , tén lira hét nhién lidu va tiép tuc bay voi gia téc a(t)=-9,8(m/s?).

a) Van toc cua tén lra dat dugc tai thoi diém t=10s 1a 50m/s.

b) Do cao cua tén lira dat duoc tai thoi diém t=10s 12 660 m.

¢) Tén lira dat do cao 16n nhét tai thoi diém t =15s (1am tron két qua dén hang don vi).

d) Po cao 16n nhét tén lta dat duge (1am tron két qua dén hang don vi) 12 766 m.

Cau 2. Dé tham gia 18 hoi hoa trang, ban Tric Linh du dinh 1am mot chiéc mit na nira mat bang chat
liéu gidy cimg. Hinh dang cta chiéc mat na duoc ban thiét ké trén mit phang toa do Oxy, 1a phan hinh
phing gi6i han boi hai dudng parabol (P),(P,) lan lugt c6 dinh 1a goc toa d6 O va diém c6 toa do
(0:4), cung nhan truc Oy lam truc déi xtmg va cung di qua diém M (5;6) . Mdi don vi trén céc tryc toa
d6 co6 do dai lecm. Sau d6, ban v& hai hinh thoi bing nhau c6 d¢ dai cac dudng chéo 1a 2J2em va

442 cm @8 khoét 1am mit.

a) Dién tich hai hinh thoi duoc khoét dé 1am mét 1a: 16cm?.

b) Phuong trinh cua parabol (P,):y = %Xz va phuong trinh ciia parabol (P,):y = 215 X +4.

c) Dién tich phan hinh phing gi6i han bsi (P) va (P,) la: 4—: (cm?).
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d) Dién tich gidy duoc ban Trlc Linh sir dung dé 1am chiéc mit na ndy la % (cm?).

Cau 3. Mot nhom nghién ctru tién hanh khao sat 10000 ngudi va nhan thay nhirng ngudi hit thude 14
c6 nguy co bi ung thu phdi cao hon so v6i nguoi khong hut thude 14. Két qua khao sat caa nhdm nghién

ctru duoc trinh bay trong bang dir liéu thong ké sau déy:

Mic ung the phéi | Khéng mic ung thi phdi
Hut thuoc 14 1124 ngwor 1126 ngwot
Ehong hnit thudc 1la | 276 ngwet 7474 nguwin

Chon ngau nhién mot ngudi trong 10000 ngudi duoc khao sat.

a) Xac suat dé nguoi do hat thude 1a 12 14% .

b) Néu ngudi d6 bi ung thu phdi thi Xac suat nguoi do hat thude 1a 16n hon 80% .

¢) Xac suat dé nguoi d6 bj ung thu phdi 1a 14% .

d) Dua theo két qua khao sat trén ta thay, ngudi hat thude 14 ¢6 nguy co mic bénh ung thu phdi cao gap
khoang 14 lan (két qua 1am tron dén hang don vi) so v&i nguoi khong hit thude 14.

Cau 4. Hinh 1 mé phong mot tram thu phat song dién thoai di dong dat o vi tri 1 (1;2;2) trong khong

gian Oxyz (don vi trén mdi truc 1 kilomét) va dugc thiét ké véi dudng kinh phu song 1a 10000 m

a) Ban kinh vung phua song cua tram phat song dién thoai la 5km.

b) Phuong trinh mit cau mo ta ranh gigi mién bén trong va bén ngoai viing phu séng cua tram phat song
dién thoai 1a (x-1)" +(y—2)" +(z-2)" = 25.

c) Piém A(1;2;6) nam trong viing phi séng cua tram phat song dién thoai.

d) Nha ban Diing va ban Nam ¢6 vi tri toa d0 lan luot 1a M (1;2;7) va N(5;5;5). Néu ca hai ban

Diing va ban Nam dung dién thoai tai nha thi déu c6 thé sir dung dich vu cta tram phat song dién thoai

nay.

PHAN III. (3 diém) CAu trac nghiém tra 101 ngian. Mdi cau héi thi sinh chi tra 1oi dap an.
Cau 1. ChjMinh Hién I&n ké hoach 1am mot céi bién quang céo phang, co thiét ké 1a phan duoc t6 mau
dam trong hinh v& bén. Dudng cong (P) 1a mot parabol c6 dinh 1a diém F , ¢6 truc déi ximg 1a FH va di

qua cac diém A, B. Tt giac ABCD la hinh chit nhat, AB=8m, BC =3m,EH =6m, FH =2m. B4c An
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ki hop ddng vai cong ty X voi don gia 1a 1,1 triéu ddng/ 1 m?. Hoi sé tién ma chi Minh Hién phai tra sau

khi 1am xong ci bién quang c4o 1a bao nhiéu triéu dong ( 1am tron két qua dén hang phan chuc)?

o)

Traloi ..oooeeeeeennn,
Cau 2. Mot khdi bé tdng co chiéu cao 2 mét duoc dit trén mat dat. Néu cat khoi bé tong bai mot mit

phang nam ngang va cach mat dat x mét (0< x<2) thi duoc mat cat 1a mot hinh chit nhat c¢6 chicu dai 3

m va chiéu rong bang (0,8)* mét (tham khao hinh vg).

2m

-
L
e i’
.~(0,8)"
o rrm

Tinh thé tich (don vi m*) ctia khdi bé tong d6 (1am tron két qua dén hang phan tram).

Traloi: ...,
Cau 3. Nha nghién ciu chon 5000 ngudi dan 6ng, véi mdi ngudi trong nhdm, nha nghién cau kiém tra

xem ho cd nghién thudc 14 va bi viém phoi hay khong. Két qua dugc théng ké trong bang sau:

Tinh trang Viém phoi Khong vién phoi
Nghién thudc Ia 750 1238
Khong nghién thubc la 572 2440

Tinh x4c suat dé nguoi d6 bi viém phoi trong khi ngudi d6 khong nghién thudc 1a (két qua lam tron dén
hang phan tram).

Traloi ..oooeeeeeennn,

Cau 4. May bay Beta hudng t6i diém C(lO;—lO;S) theo hudng cua véc to V=(-2;2;-1). Khi qua
diém C, may bay Beta nhan 1énh tir dai kiém soat bay ddi huéng bay theo véc to w=(=5;4;-1) . O diém
P ¢6 do cao 1000 m, may bay Beta s& thuc hién mét lan d6i huéng cudi cling theo vecto u dé ha canh

xubng san bay F . Tinh cosin géc cua hai vecto u va w. (lam tron két qua dén hang phan mudi)
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a2

e

Cl

Sanbay F nam trén mit phang Oxy . Mdi don vi trong hé toa do twong tmg 1 km.

Traloi: ...

Cau 5. Mot nguoi ding & miat dat didu khién flycam dé phuc vu chuong trinh truyén hinh. Chon hé
truc toa dd Oxyz Véi gbc toa dd O 1 vi tri nguoi diéu khién, mat phang (Oxy) tring voi mat dat. Chiée
flycam dang ¢ vi tri M (1;2;4) va chuyén dong trén duong thiang song song V&i mit dat. Biét huéng
chuyén dong cua flycam 1 u = (2;a;b) (a,b lacac sé nguyén) sao cho khoang cach tir vi tri ngudi diéu
khién dén duong thang chuyén dong cta flycam 1a I6n nhat. Tinh a+b.

Traloi: ...

Cau 6. Trong khdng gian Oxyz , mot vom dugc thiét ké c6 bé mat la mat cau tam 1(1;2;20), ban kinh
bang 50m va c6 ddy ndm trén mat phang (Oxy). Chiéu cao cua vom la bao nhiéu mét? (biét don vi cua

hé truc toa do la mét)

Traloi: ..................
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LOI GIAI CHI TIET

PE SO 5

PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt
phuong an.

Caul. Nguyénhamcuahamso f(x)=2"+x la

X x+1 2 X 2 2
A. 2 +x*+C. B. 2 +Xc. C. 2 + X D. 2+2 4C
In2 X+1 2 In2 2
Loi giai
Chon C.
X 2
I(2X+x)dx: 2 Zic
In2 2

9 9
Cau 2. Biét If(x)dx:37 va I[3f (x)-2g(x)]dx =61. Tinh Ig(x)dx bang.
0 0

A. -25. B. 25. C. -86. D. 86.
Loi gisi
Chon B.
9
Taco [[3f (x)-2g(x)]dx = 61<:>3j X) dx — 2jg X) dx = 61.
0

o 111- 2jg X)dx = 61<:>_[g x)dx = 25.

Cau 3. Dién tich ciia hinh phang duoc gioi han boi @6 thi ham s6 y = f (X), truc hoanh va hai duong

thing x=a,x=b (a<b) (phan t6 dam trong hinh V&) tinh theo cong thirc ndo dudi day ?

Y

https://www.facebook.com/truongngocvy8/ Trang 7


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333 093
Chon C.

Dién tich cta hinh phiang duoc gidi han boi dd thi ham s6 y = f (X), truc hoanh va hai duong thang
b c b c b
x=a, x=b 1a§=|f(x)|dx="[|f(x)]dx+[|f(x)dx =] f(x)dx+ ][ f(x)dx.

Cau 4. Dién tich hinh phang giéi han béi do thi ham s6 y = x* —2x,y = —-2x* + 2Xx va hai dudng thiang

x=0,x=1la
A. 1l B. 3 C. 1 D. 4
3 2 3
Loi giai
Chon A.

Ta c6 dién tich hinh phang giéi han bdi d6 thi ham s6 y = x? —2x,y =—2x*+2X va hai duong thing
1

x=0,x=1la ﬂ(x2 —2x)—(—2x2 + ZX)‘dX =1.
0

Cau’5. Chohamso y= f(x)=2x*+1.Goi (H) Ia hinh phing gi6i han bdi d6 thi ham s6 y = f (x),
truc hoanh va hai dudng thing x=a, x=b (a<b). Thé tich cta khdi trdn xoay tao thanh khi quay hinh

phang (H) quanh truc Ox duoc tinh theo cong thirc:

A. ﬂJb'(sz +1)dx. B. ﬂJb'(sz +1)2dx. C. jl(ZXZ +1)2dx. D.

a a a

2x2 +1)dx.
(2x* +1)d

D ey T

Loi giai
Chon B.
Cau 6. Cho hinh phing (H) duoc gidi han boi db thi cua ham s6 y = x? va db thi ciia ham s6 y =/x

(tham khao hinh v&). Thé tich ctia khdi tron xoay thu duoc khi quay (H) quanh truc Ox bang

AY
y==
| 7=Vz
__33
O 1
AvV=2 BV = cv==L. D.v='F
10 10 10 10
Loi giai
Chon B.
, , 1 3
Thé tich khdi tron xoay thu dugc 13 V = 7 j [x* - x|dx -1
0
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Cau7. Cho hai bién c6 doc lap A va Bvsi P(A)=0,7,P(B)=0,2. Khido, P(A|B)bang:
A. 0,3. B. 0,7 C.0,8 D.0,2.
Loi giai
Chon B.
Ta c6 hai bién c6 doc 1ap A va B suyra P(A|B)=P(A)=0,7.
Cau8. Cho hai bién ¢6 M va N, biét ring P(N)=0,7, P(M|N)=0,8, P(M|N)=0,4. Tinh
P(N|M)

A.E. B.E. C.i. D.E.
17 17 17 17
Loi giai
Chon B.

Tacd P(N)=1-P(N)=1-0,7=0,3

Theo cdng thirc xac suat toan phan thi

P(M)=P(N).P(M |N)+P(N).P(M|N)=0,7.0,8+0,3.0,4 =0,68
Theo cdng thac Bayes thi

P(N).P(M [N) 0,7.0,8 14

PINTM)= P(M) 0,68 17

Cau9. Trong khdng gian Oxyz, phuong trinh mat cau (S) c6 tam I(-12;1) va di qua diém

A(0;4;-1) la
A. (x+1)2 +(y—2)2 +(z+l)2 =3, B. (x+1)2 +(y—2)2 +(z—l)2 =9.
C. (x+1)2+(y—2)2+(z—1)2 =3. D. (x+1)2+(y—2)2+(z+1)2 =9,
Léi giai
Chon B.

Ban kinh mat chu R = 1A= /(0+1)° +(4—2)" +(-1-1)° =3.

Phuong trinh mit cau tam | di quadiém A: (x+1)"+(y-2)"+(z-1)"=9.

x-1 y-3 17-2
2

Cau 10. Trong khong gian Oxyz, tinh khoang cach giira dudng thang d: va mat

phiang (P):x—2y+2z+4=0
A. 1. B. 0. C.3. D. 2.
Loi giai
Chon A
Vi duong thang d song song véi mat phang (P)nén : Chon M (1;3;2) e d
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1- 6+4+4

VI +(-2)° 122

d(d;(P)) =d(M;(P)) =

X=2+t Xx=1-t
Cau 11. Trong khong gian Oxyz , cho hai duong thang d,: <y =-1+t vad,:{y =2 . GOc gitra
z=3 z=-2+t
hai duong thang d; va d, Ia:
A30°. B. 120°. C. 150°. D.60°.
Loi giai
Chon D
Goi ut; uj lan luot 1a vecto chi phuong ctia dudng thiang di; da.
U =1L 0);u, = (-1 00
DX I =

Ap dung cong thirc ta c6 cos(d,,d,) = ‘COS ui, @)

W] L2
= (d,,d,) = 60°.
Cau 12. Trong khong gian Oxyz cho diém M (1,2;-1) va mat phang (P):x+2y+z=0. Mt phing
(Q) qua M vasong song véi (P) c6 phuong trinh la
A X+2y+2+4=0. B. x+2y+z-1=0.C. x+2y-z-6=0. D. x+2y+z-4=0.
Loi giai
Chon D.
Vi (Q) qua M vasong song v6i (P), nén (Q)c6 phuong trinh x+2y+z+D=0,D#0.
Ma M €(Q) nén D=-4.

Vay (Q):x+2y+z-4=0

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.

Caul. Mot tén lira phong thiang ding tir mat dat voi van toc ban dau v, =50m/s. Gia toc cia tén hia
(do lyc day va trong luc) phu thudc vao thoi gian theo cong thirc a(t) :10—2t( m/ Sz). Sau thoi gian
10s , tén lira hét nhién lidu va tiép tuc bay voi gia téc a(t)=-9,8(m/s?).

a) Van toc cta tén lra dat duogc tai thoi diém t=10s 12 50m/s.

b) P6 cao cua tén hira dat duoc tai thoi diém t=10s la 660 m.

¢) Tén lira dat do cao 16n nhat tai thoi diém t =15s (lam tron két qua dén hang don vi).

d) Po cao 16n nhét tén lta dat duoc (1am tron két qua dén hang don vi) 12 766 m.

Loi giai
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A. B. C. D.

SAI SAI PUNG SAI

a)Van toc ciia tén lira: v(t) = [a(t)dt = [(10-20)dt =10t -t +C  (m/s).
Van toc ban dau v, =50m/s = C =50=>v(t) =10t —t>*+50 (m/s).

Van toc cua tén lira dat duoc tai thoi diém t =10s 1a: v(10)=10.10—-10* +50 = 50(m/s).

) PO cao cia ten lra:  h(t)=[v(tdt=[(10t—t*+50 )dt:Stz—%t3+50t+C1 (m).

h, =0= C, =0 = h(t) =5t —%t3 +50t(m)

Do cao cla tén lra dat duoc tai thoi diém t=10s 1a;

h(lO)zS-lOz—%-los+50-10z666,7(m).

¢) Van toc cua tén lira dat duoc tir thoi diém t =10s tré di 1a: v(t) = j (-9,8)dt = 9,8t +C,(m/s)
Van toc ban dau v, =50m/s = C, =148 = v(t) =-9,8t +148(m/s).

Do cao cua tén lra dat duoc tai thoi diém t 13 h(t):h'(t) = v(t) = -9,8t +148.
h'(t)=0=-9,8t+148 =0 =t ~15(s) .

Lap bang bién thién ta duge h_ <t=15.

d) Po cao 16n nhét tén lta dat dugc 1a: N, = N(15) . Lai co:

h(15)~h(10) = [ (-9,8t +148)dt =127,5 = h(15) =127,5+h(10) =127,5+666,7 ~ 794,2(m)

Cau 2. Pé tham gia 18 hoi hoa trang, ban Tric Linh du dinh 1dm mdt chiéc mit na nira mat bang chat
liéu gidy cimg. Hinh dang cta chiéc mat na duoc ban thiét ké trén mit phang toa do Oxy, 1a phan hinh
phing gi6i han boi hai dudng parabol (P),(P,) lan lugt c6 dinh 1a goc toa d6 O va diém c6 toa do
(0:4), cung nhan truc Oy lam truc d6i xtng va cung di qua diém M (5;6) . Mdi don vi trén céc tryc toa
d6 co6 do dai lcm. Sau d6, ban v& hai hinh thoi bing nhau c¢6 d¢ dai cac dudng chéo 1a 2J2em va

442 cm @8 khoét 1am mit.
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HRHHEHR

Y

M

V&

a) Dién tich hai hinh thoi duoc khoét dé 1am mét 1a: 16cm?.

0 o o S 8

b) Phuong trinh cua parabol (P):y = %Xz va phuong trinh ciia parabol (P,):y = 235 X +4.

c) Dién tich phan hinh phing gi6i han béi (P,) va (P,) Ia: 4—30 (cm?).

d) Dién tich gidy duoc ban Trlc Linh sir dung dé 1am chiéc mit na ndy la % (cm?).

Loi gidi

a) b) c) d)
PUNG PUNG SAI SAI
a) Dién tich hai hinh thoi bang 2.@ =2.8=16 cm?.

b) Goi (P):y=ax’+bx+c (a=0)

Vitryc Oy 1am truc déi xtng nén x=;—b=0:b=0.
a

Vi 0(0;0);M (5;6) € (R,) nén {

Do d6 (Pl):yzz%xz.

Goi (P,):y=ax*+bx+c (a=0), twong ty b=0

Vi (0;4); M (5;6) €(P,) nén {

Vay (R,): y:£x2+4

25

5
¢) Vi mit na d6i xang qua Oy néntaco: S = Z.J.
0

ix2 - ix2 +4
25 25

dx:@ cm
3

2
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d) Dién tich gidy 1a 80 16232 e,

3 3
Cau 3. Mot nhom nghién ctu tién hanh khao sat 10000 ngudi va nhan thay nhirng ngudi hit thude 14
c¢6 nguy co bi ung thu phdi cao hon so v6i nguoi khong hut thude 14. Két qua khao sat caa nhom nghién

ctru duoc trinh bay trong bang dir liéu thong ké sau déy:

Mic ung the phéi | Khéng mic ung thi phdi
Hut thuoc 14 1124 ngwor 1126 ngwot
Ehong hnit thudc 1la | 276 ngwet 7474 nguwin

Chon ngau nhién mot ngudi trong 10000 ngudi duoc khao sat.

a) Xac suat dé nguoi do hat thude 1a 12 14% .

b) Néu ngudi d6 bi ung thu phdi thi Xac suat nguoi d6 hat thude 1a 16n hon 80% .

¢) X&c suat dé nguoi d6 bi ung thu phoi 1a 14% .

d) Dya theo két qua khao sat trén ta thiy, nguoi hat thude 14 ¢6 nguy co méac bénh ung thu phdi cao gap

khoang 14 lan (két qua 1am tron dén hang don vi) so v&i nguoi khong hit thude 14.

Loi giai
a) b) c) d)
SAI PUNG PUNG PUNG

a)Goi A 1a bién cb ngudi d6 c6 hut thude 14
Goi B 1a bién c6 nguoi d6 bi ung thu phoi.

, , n(A
Ta cd xac suat ngudi do hat thude 1a P (A) = . EQ; = 1121133326 = 12020%% = % =22,5%.

b) S6 nguoi bi ung thu phoi 1a n(B)=1124+276 =1400.

n(ANB) 1124

= =80,29 >80% .
n(B) 1400

Taco P(A|B)=

n(B) _1124+276

—14%
n(Q) 10000

c) Tacod P(B)=

P(BA) 1124 562
P(A) 2250 1125

d) Tatinh P(B|A)=

P(BZ) 276
p(z) 7750

Tinh P(B|A) =

Va P(B|A) 562 276 o1
“ p(B[A) 1125 7750

Cau 4. Hinh 1 md phong mot tram thu phat song dién thoai di dong dat ¢ vi tri | (1; 2; 2) trong khdng

gian Oxyz (don vi trén mdi truc 1 kilomét) va dugc thiét ké véi dudng kinh phu song 1a 10000 m
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a) Ban kinh vung phu song cua tram phat song dién thoai la 5km.
b) Phuong trinh mit cau mo ta ranh gi¢i mién bén trong va bén ngoai viing phu séng cua tram phat song
dién thoai 1a (x-1)" +(y—2)" +(z-2)" =25.
c) Piém A(1;2;6) nam trong viing phi séng cua tram phat song dién thoai.
d) Nha ban Diing va ban Nam ¢6 vi tri toa d6 1an lugt 1a M (1;2;7) va N(5;5;5). Néu ca hai ban
Diing va ban Nam dung dién thoai tai nha thi déu c6 thé sir dung dich vu cta tram phét song dién thoai
nay.
Loi giai
a) b) c) d)
PUNG PUNG DPUNG SAl

a) Buong kinh phu séng la 10000 m nén ban kinh pha séng 1a R =5000 m =5 km.

b) Phuong trinh mit cau: (X —1)2 +(y —2)2 +(Z - 2)2 =25

c) IA=4<R. Vaydiém A(1;2;6) nam trong viing phu séng cua tram phét séng dién thoai.
d) IM =5=R va IN =+/34>R.

Viy nha ban Diing nim trong viing pha soéng cua tram phat séng dién thoai. VAy nha ban Nam khéng

nam trong viing phu séng ctia tram phét song dién thoai.

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi caAu héi thi sinh chi tra 1oi dap an.

Cau 1. ChjMinh Hién Ién ké hoach 1am mot céi bién quang céo phang, co thiét ké 1a phan duoc t6 mau
dam trong hinh v& bén. Dudng cong (P) 1a mot parabol c6 dinh 1a diém F , c6 truc déi ximg 1a FH va di
qua cac diém A, B. Tt giac ABCD Ia hinh chit nhat, AB=8m, BC =3m,EH =6m, FH =2m. B4c An
ki hop ddng vai cong ty X voi don gia 1a 1,1 triéu ddng/ 1 m?. Hoi sé tién ma chi Minh Hién phai tra sau

khi 1am xong ci bién quang c4o 1a bao nhiéu triéu dong ( 1am tron két qua dén hang phan chuc)?
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E

Traloi: ....................
Loi giai
Pap an: 27,9
Gan hé truc toa 6 nhu hinh V&, mot don vi trén truc 1a 1m, khi d6 tir cac gia thiét ta co:

¥

L (P)
A H/O
H (0;0), A(-4;0), B(4;0), C(4;3),D(-4;3),E(0;6),F (0;2)

Puong thang DE di qua D va E nén c6 phuong trinh 1a y = % X+6
. 2 : oA s 3
Puong thang CE di qua C va E nén c¢6 phuong trinh 13 y = 2 X+6
Parabol (P) co phuong trinh dang y =ax?+2 di qua B(4;0)nén a:—%. Suy ra phuong trinh cia

parabol 13 y = —%xz +2.

Dién tich phan t6 ddm bang

0
J{ X+6— ( X +2ﬂdx+[{—§x+6 ( X +2ﬂdx
, 4 8
—J'[ x——x +4}dx+j[—§x—1x +4}d _76 2
4 8 3
N . . A Y. . 1 76 . Y
S0 tién chi Minh Hién phai tra 1a ? x1,1~ 27,9 tri¢u dong.

Cau 2. Mot khdi bé tdng co chiéu cao 2 mét duoc dit trén mat dat. Néu cat khoi bé tong bai mot mit

phang nam ngang va cach mat dat x mét (0< x<2) thi duoc mat cat 1a mot hinh chit nhat c¢6 chicu dai 3

m va chiéu rong bang (0,8)* mét (tham khao hinh vg).
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2m

P
-
e i’
-(0,8)"
o rrm

Tinh thé tich (don vi m*) ctia khdi bé tong d6 (1am tron két qua dén hang phan tram).

Traloi oo,

Loi giai
Dap an: 4,84
Ta ¢6 dién tich clia mat cét 13 S(x) =3.0,8" (m’)
Coi tryc Ox la truc thang dimg vudng goc véi mat dat. Khi do, ta thay khdi bé tong bi gii han bai 2 mit
phing vudng goc véi truc Ox tai cac diém x =0,x = 2;S(x) la dién tich thiét dién cta vat thé bi cat boi
miat phang vudng goc véi truc Ox tai diém X(0< x<2). Va S(x) 1a ham sb lién tuc trén doan [a;b].

Vay V = [S(0dx = [*3-0,8%dx~ 4,84,

Cau 3. Nha nghién ciu chon 5000 ngudi dan 6ng, véi mdi ngudi trong nhdm, nha nghién cau kiém tra

xem ho cd nghién thudc 14 va bi viém phoi hay khong. Két qua dugc théng ké trong bang sau:

Tinh trang Viém phoi Khong vién phoi
Nghién thudc I4 750 1238
Khong nghién thubc la 572 2440

Tinh x4c suat dé ngudi d6 bi viem phdi trong khi ngudi d6 khong nghién thube 1a (két qua 1am tron dén
hang phan tram).
Traloi ..ooooeeeeeennn,
Loi giai
Pap an: 0,19
Khéng gian mau: n()=5000.
Goi A la bién cé: “Ngudi d6 bi viém phoi”
Goi B la bién cé: “Ngudi d6 khong nghién thude 187
Khi d6 AB Ia bién cd: “Ngudi d6 bi viém phoi va khdng nghién thudc 137,

n(AB) 572

Viy n(AB)=572= P(AB)= _ 202
By n(AB)=572= P(AB) = 5= 5000
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Ta 06 572+ 2440 = 3012 nguoi khong nghién thuéc 1& = n(B) =3012.

n(B) _3012 _ 753
n(Q) 5000 1250°

Vay P(B)=

Dods P(A|B)—P\AB)_ 572 143 g
P(B) 3012 753

Cau 4. May bay Beta hudng t6i diém C(lO;—lO;S) theo hudng cua véc to V=(-2;2;-1). Khi qua
diém C, may bay Beta nhan 1énh tir dai kiém soat bay ddi huéng bay theo véc to w=(=5;4;-1) . O diém
P ¢6 do cao 1000 m, may bay Beta s& thuc hién mét lan d6i huéng cudi cling theo vecto u dé ha canh
xudng san bay F . Tinh cosin goc cua hai vecto u va w. (lam tron két qua dén hang phan muoi)
ol
=

e SE

c* F

Sanbay F nam trén mit phang Oxy . Mdi don vi trong hé toa do twong tmg 1 km.

Traloi: ....................

Loi gii
Pap an: 0,95

x=10-54
Sau khi qua C, Beta bay theo w=(-5;4;,-1): s y=-10+44

2=5-1

O cao 1000m=1km:5-A=1=>1=4.
Piém doi hudng cudi: P(~10;6;1).
Chang cudi huéng vé F(=12;7;0) c6 véc to chi phuong PF =u = (-2;1;-1).
wu 10+4+1 15
Wi~ Va2se 22

Cau 5. Mot ngudi dimg ¢ mat dat diéu khién flycam dé phuc vu chwong trinh truyén hinh. Chon hé

Khi d6 cosf = ~ 0,95

truc toa do OXyz Vi goc toa dd O 1a vj tri ngudi dicu khién, mit phang (Oxy) tring véi mat dat. Chiée
flycam dang & vi tri M (1;2;4) va chuyén dong trén duong thing song song Vi mat dat. Biét huéng
chuyén dong cua flycam 1 u = (2;a;b) (a,b lacac sé nguyén) sao cho khoang cach tir vi tri ngudi dicu

khién dén duong thang chuyén dong cta flycam 14 16n nhat. Tinh a+b.
Traloi: ....................

Loi giai
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Pap an: -1

\

o)

Oxy

Goi (P) la mat phang di qua M va song song véi (Oxy A 13 duong thang ma flycam chuyén dong.
Khiddé A diqua M va (P) chira A. Goi H 4 hinh chiéu vudng goc cia O xudng A.

Vi OH <OM nén d(0,A) max < OH max < H =M.

Do d6 huéng chuyén dong ciia flycam 1a u, = [OM No ] =(2;-1;0).

Vay a=-1vab=0,nén a+b=-1.

Cau 6. Trong khdng gian Oxyz , mot vom dugc thiét ké c6 bé mat la mit cau tam 1(1;2;20), ban kinh
bang 50m va c6 ddy ndm trén mat phang (Oxy). Chiéu cao cua vom la bao nhiéu mét? (biét don vi cua

hé truc toa do la mét)

Traloi: ..................

Loi giai

Pap an: 70
Khoang cach tir tdm | dén mat phang (Oxy) la 20 m.

Vay chiéu cao caa vom 1a 20+50 =70 m.
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

DE SO 6
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.

Caul. Chohamsé f(x)=cosx+2.Tim ménh dé ding?
A. If(x)dx:sinx+2+C. B.If(x)dx:cosx+2x+C.
C. If(x)dx:—sinx+2x+C. D. J'f(x)dx:sinx+2x+C.

Cau2. Cho ham s y=f(x) lién tuc trén R. Biét ham s6 F(x) la mot nguyén ham cua ham so
5

f (x) trén R thoa man F(5)=2+F(1). Gid tri cta [ f (x)dx
1

A. 8. B. 2. C.-2. D. -8.
Cau 3. Goi S ladién tich hinh phing gidi han boi d6 thi ham s6 y = 6", truc hoanh va hai dudng thang

x=1,x=4.Diéntich S bing
4 4 4 4
A S =[67dx. B. S=r[6"dx. C.S=x[6"dx. D.S =[6"dx.
1 1 1 1
Cau 4. Dién tich ctia hinh phang duoc giéi han béi do thi ham s6 y = f (), truc hoanh va hai dudng

thing x=a,x=b (a< b) (phan t6 dam trong hinh V&) tinh theo cong thirc ndo dudi day ?

YA

A. S:jf(x)dx+if(x)dx. B. S:jf(x)dx.
C. S:—jf(x)dx+if(x)dx. D. S:if(x)dx
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Cau 5. Tinh thé tich V cua phan vat thé gigi han boi hai mat phang x=0,x =1, c6 thiét dién bi cat bai

mét phang vudng goc véi truc Ox tai diém c6 hoanh do x(0<x<1) 1a mot tam gidc déu c6 canh bang

A.Vzlz—ﬂ. B.V:E. C.V:&. D.V:E

5 5 12 12
Cau 6. Cho hinh phing gi6i han béi cac dudng y=+/x—2, y=0va x=4,x =9 quay xung quanh truc
Ox . Tinh thé tich khdi tron xoay tao thanh.

A.V:Z. B.V:5—ﬂ. C.V:7—ﬂ. D.V:ﬁ.
6 6 11 6

Cau 7. Chohaibiéncd A, B c6 P(B)=0,6, P(A|B)=0,5. Khid6 P(AB) bing

A. i B. E C. i D.
10 6 2

ollw

Cau8. Giasu A va B la hai bién c6 ngau nhién thoa man P(A)>0 va 0<P(B)<1. Khing dinh nao

duéi day sai?

B P(B)P(A|B) B P(B)P(A|B)
A P(BIA)= P(B)P(A[B)+P(A)P(B|A)’ B P(BIA)= P(B)P(A|B)+P(B)P(AIB)
C. P(B|A)= P(BLF()/(J;lB). D. P(A)=P(B)P(A|B)+P(B)P(A|B).

Cau 9. Trong khdng gian Oxyz, cho mat cau (S) c6 phuong trinh x* +y® + 22 =%. Ban kinh R cua

B.R= C.R=2. D. R=4.

1
4
Cau 10. Trong khong gian Oxyz, cho ba diém A(-11L1), B(2;1;0) C(1-12). Mt phang di qua A va
vudng goc voi dudng thang BC co phuong trinh Ia

A. 3x+2z+1=0 B. x+2y-2z+1=0 C. x+2y-2z-1=0 D. 3x+2z-1=0

Xx-3 y-4 z+5
-5

Cau 11. Trong khoéng gian Oxyz, cho duong thiang d : . Biém nao sau day thudc

duong thang d ?

A. M(3;4;-5). B. N(2;,-5;3). C. P(-3-4;5). D. Q(2;5;-3).
Cau 12. Trong khdng gian Oxyz, cho (P):x+y—-2z+5=0 va (Q):4x+(2-m)y+mz-3=0, m la
tham s6 thuc. Tim tham s6 m sao cho mit phang (Q) vudng goc véi mat phiang (P).

A. m=-3. B. m=-2. C. m=3. D. m=2.
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PHAN II. (4 diém) Cau trac nghiém ddng sai. Trong moi y a), b), ¢), d) & moi ciu, thi sinh chon

ding hoac sai.

Cau 1. Gia str loi nhuan bién (tinh bang triéu dong) ctia mot san pham duge md hinh héa bang cong
thire P’(x)=-0,0008x+10,4. O day P(x) la loi nhuan (tinh bang triéu dong) khi ban dugc x don vi
san pham.

a) Loi nhuan khi ban dugc 50 san pham dau tién 1a 519 triéu dong.

b) Biét sur thay ddi cua loi nhuan khi doanh sé ting tir 50 1én a don vi san pham 16n hon 517 triéu dong,
khi d6 gi4 tri nho nhét cua a 1a 100.

) Loi nhuan khi ban dugc x don vi san phﬁm duoc tinh béng cong thic P (X) =-0,0008x° +10, 4x .

d) Su thay d6i ciia loi nhuan khi doanh s tang tir 50 1&n 55 don vi san pham 1a 51,79 tri¢u dong.

Cau 2. Cho ham s f(x):1+% c6 dd thi (C) va ham s6 g(x):—%x+% c6 dd thi (d) (xem hinh

bén dudi).

a) If(x)dx:x—ln|x|+C v6i C la hang sb.
b) Néu f(x) co mot nguyén ham la hams6 F(x) va F(1)=0 thi F(2)=1+In2.
c) Hinh phang H, (phan gach chéo) giéi han boi do thi (C), do thi (d) va cac dudng thang x=1,x =4

¢6 dién tich 1a S, :%—lm.

d) Néu S,, S, lan luot 1a dién tich hinh phang H, (phan gach chéo) va H, (hinh phang gi¢i han boi do thi
(C), truc hoanh va cac duong thing x=1,x =4) thi % :g.

2
Cau 3. Khi diéu tra strc khoe nhiéu nguoi cao tudi & mot dia phuong, ngudi ta thdy rang c6 40% ngudi
cao tudi bi bénh tiéu duong. C6 70% nguoi bi bénh tiéu duong bi bénh cao huyét ap va 25% ngudi
khong bi bénh tiéu duong bi cao huyét 4p. Chon ngiu nhién 1 ngudi cao tudi dé kiém tra stc khoe.

a) Xac suat chon dugc nguoi bi bénh tiéu dudng 1 0,4.

b) Xéc suat chon duoc ngudi bi bénh huyét ap cao, biét ngudi d6 bi bénh tiéu duong 1a 0,7 .
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¢) Xac suat chon dugc nguoi bi bénh huyét ap cao 1a 0,8.

d) Xac suat chon duoc ngudi khong bi bénh tiéu dudng, biét nguoi do bi bénh huyét ap cao 1a 0,25.

Cau 4. Mot radar phong khong duogc dat tai vi tri goc toa do O(0;0;0) trong khong gian Oxyz, mdi
don vi trén cac truc toa do ung véi 1km. Radar nay c¢6 kha nang phat hién cac muc ti€u bay ban kinh
250km. Mot may bay khong ngudi 1ai (UAV) dang bay thang déu tir vi trf diém A(300;-400;100) dén
diém B(-300;400;100). UAV bay véi van téc khong doi 900km/hva mang thiét bi gdy nhiéu chu dong
c6 tam hiéu qua 50kmtinh tir UAV. Radar c6 thé theo ddi UAV trong khoang thoi gian hon 30 phut
khong?

Hinh anh minh hoa radar tai gbc toa d6 O va dudng bay ctia UAV tir A d&én B
a) Radar khdng thé phat hién UAV khi UAV & vi tri A.
x=300-3t
b) Phuong trinh tham s cua duong bay UAV 13 {y = —400+ 4t .
z=0
¢) Trong suét qua trinh bay, s& c6 thoi diém UAV gay nhidu duoc radar.
d) Radar cd thé theo ddi UAV trong khoang thoi gian hon 30 phut.

PHAN III. (3 diém) CAu trac nghiém tra 101 ngian. Mdi cau héi thi sinh chi tra 1oi dap an.

Cau l. Mot ngudi tho nhan thiét ké mot logo hinh con mat ( phan duoc t6 dam) cho mot co so y té:
Logo la mt hinh phang gi¢i han bai hai parabol y = f (x) va y=g(x) nhu hinh v& ( don vi trén mdi
truc toa do 1a centimet). Chi phi san xuat mdi cm? trén logo la 1000 dong. Chi phi san suat mdi logo la

bao nhiéu d6ng? (Két qua lam tron dén hang don vi)

Traloi coooooeeeveennnn,
Cau 2. Mot binh hoa c6 dang khdi tron xoay vai chiéu cao 1a 25cm (tham khao hinh v&). Khi cit binh

hoa theo mot mit phang vudng goc véi truc ciia né thi ta lubn duoc thiét dién 12 mot hinh tron ¢ ban
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kinh R :gx?’ —gxz +%x+§—2(dm) Véi xe [o;ﬂ la khodng céch tir mat ct t6i mit d4y cia binh hoa

. . A A N 2 , N M 2 A ,
(tinh theo don vi dm). Lugng nude can d6 vao binh d€ mirc nudc trong binh cao bang 3 chiéu cao cua

binh chiém ti 1¢ bao nhiéu phan trdm so v&i thé tich ciia binh hoa? (Két qua 1am tron dén hang don vi).

Traloi ..oooeeeeeennn,

Cau 3. Gia st ti 1& nguoi dan ctia mot tinh nghién thudc 13 14 25%; ti 1& nguodi méic bénh phdi trong sb
nguoi nghién thude 13 14 72%, ti 1& nguoi khong mac bénh phdi trong s6 ngudi khong nghién thude 14 1a
86%. Ta gap ngau nhién mdt nguoi dan cua tinh d6, tinh xac suit ngudi dé6 mac bénh phdi?

Traloi ..oooeeeeeennn,

Cau 4. Khi gan hé toa d Oxyz (don vi trén mdi truc tinh theo kilomét) vao mot san bay, mit phang
(Oxy) trung véi mit sin bay. Mot mdy bay bay theo duong thang tir vi tri A(L-2;3) dén vi tri
B(2;8;7). Goc gira duong bay (mdt phan cta duong thaing AB va san bay (mdt phan cia mit phang
(Oxy)) bang bao nhiéu do (1am tron két qua dén hang don vi)?

Traloi ..oooeeeeeennn,

Cau 5. Trong khong gian véi hé toa do Oxyz ( Mdi don vi trong hé toa do twong tng 100 m va mit
phing Oxy tring véi mat dat, xem mat dét 1a mat phang). Tir diém A(-7;-3;-8) qua diém B(-2;0;-9)

mot duong ham thang tén Kuckucksloch s& dugc dao xuyén vao nui.

Z
_ e /
T
B A
D
S

Tuong tu, tir di€ém C(4;-6;-6) qua diém D(7;-1-8) mot duong ham thing tén Morgenstern ciing s&
dugc xay dung. Sau khi khoang xong 2 dudng him s& gip nhau tai diém S. Tu diém S, dudng him
Kuckucksloch tiép tuc dao theo hudng véc to (2;1;2), cho dén khi dén diém P trén mat dat ma duong
ham s& cham t&i. Trén doan SP, cach P mot khoang 1200 m s& dao mot 16i thoat hiém thang dimg. Tinh

d6 sau can dao bang bao nhiéu mét?
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Traloi: ....................

Cau 6. Trong khong gian vé&i hé toa do Oxyz (don vi trén mdi truc toa do 1a km), mot may bay dang &
vi tri A(3;-2;1) va s& ha canh ¢ vi tri B(2;-5;0) trén dudong bang. C6 mdt dam may dugc md phong

boi mat phing (P) tiép xdc véi mat cau (S):(x—2)" +(y+1)" +(z+1)° =16 tai M (%;—E;Zj. Hoi

do cao ciia may bay khi di xuyén qua ddm may dé ha canh bang bao nhiéu kildmét? (Gia sir mat dat & vi
tri mdy bay dang bay dugc coi la mat phang mét phang (Oxy))

Traloi: ....................

https://www.facebook.com/truongngocvy8/ Trang 6


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333093
LOI GIAI CHI TIET

PE SO 6

PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt
phuong an.

Caul. Chohamsé f(x)=cosx+2.Tim ménh dé ding?
A. If(x)dx:sinx+2+c. B.If(x)dx:cosx+2x+C.

C. If(x)dx:—sinx+2x+C. D. If(x)dx:sinx+2x+c.
Loi giai
Chon D.
Ta co: If(x)dx:f(cosx+2)dx:sinx+2x+C

Cau2. Cho ham s y=f(x) lién tuc trén R. Biét ham s6 F(x) la mot nguyén ham cua ham so
5

f(x) trén R thoa man F(5)=2+F(1). Gid tri cta [ f (x)dx
1

A. 8. B. 2. C. 2. D. -8.
Loi giai
Chon B.

5
Taco [ f(x)dx=F(x)| =F(5)-F(1)=2 vi F(5)=2+F(1)
1
Cau 3. Goi S ladién tich hinh phing gidi han boi d6 thi ham s6 y = 6", truc hoanh va hai dudng thang
x=1,x=4.Diéntich S bing
4 4 4 4
A S =[67dx. B. S=r[6"dx. C.S=rx[6"dx. D.S =[6"dx.
1 1 1 1

Loi giai
Chon D.
Dién tich hinh phang gidi han bai do thi ham s6 y =6, truc hoanh va hai duong thing x=1,x=4 la

4
S:jGde.
1

Cau 4. Dién tich ctia hinh phang duoc giéi han béi do thi ham s6 y = f (), truc hoanh va hai dudng

thing x=a,x=b (a<b) (phan t6 dam trong hinh V&) tinh theo cong thirc ndo dudi day ?
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YA

A. S:jf(x)dx+if(x)dx. B. S:j'f(x)dx.
C. S:—j'f(x)dx+if(x)dx. D. S:if(x)dx

Loi giai
Chon C.

Dién tich cta hinh phiang duoc gidi han boi dd thi ham s6 y = f (X), truc hoanh va hai duong thang
b c b c b
x=a, x=b 1a§=|f(x)|dx="[|f(x)dx+[|f(x)|dx =] f(x)dx+ [ f(x)dx.

Cau 5. Tinh thé tich V cta phan vat thé gigi han boi hai mat phang x=0,x =1, c6 thiét dién bi cat bai

mét phang vudng goc véi truc Ox tai diém c6 hoanh do x(0< x<1) 1a mot tam gidc déu c6 canh bang

A v =127 B.v-12 C.V:& D.V:ﬁ

5 5 12 12
Loi giai

Chon D.

Dién tich thiét dién: S (X)=

12

1 2 o 1 e
Thé tich cua vat thé: V :IS(x)dx:IX fdx :gszdx zg()@) = V3
0 0

0 0

Cau 6. Cho hinh phing gi6i han béi cac dudng y=+/x—2, y=0va x=4,x =9 quay xung quanh truc
Ox . Tinh thé tich khdi tron xoay tao thanh.

A.V:Z. B.st—ﬂ. C.V:7—ﬂ. D.V:ﬁ.
6 6 11 6

Léi gii
Chon D.
Thé tich ciia khdi tron xoay tao thanh Ia:

https://www.facebook.com/truongngocvy8/ Trang 8


https://www.facebook.com/truongngocvy8/

Dé 6n kiém tra ki 2 -Toan 12 — Nam hoc 2025-2026 — C6 oi gidi chi tiét Truong Ngoc Vi 0978 333 093

9
i 2 i x> 8x/x
vzng(\&—z) dx=n£(x—4&+4)dx:ﬂ(?_ S ax
=n(§—72+36j—ﬂ(9—@+1ejzﬁ.
2 2 3 6

Cau 7. Chohaibiéncd A, B c6 P(B)=0,6, P(A|B)=0,5. Khido P(AB) bing

4

A. i B. E C. i D. §
10 6 2 5
Loi giai
Chon A.
Taco P(A|B)= P(AB) = P(AB)=P(B).P(A|B)=0,6.0,5 :%.

P(B)
Cau8. Giasu A va B la hai bién c6 ngau nhién thoa man P(A)>0 va 0<P(B)<1. Khing dinh nao

duéi day sai?

~ P(B)P(A|B) B P(B)P(A|B)
A P(BIA)= P(B)P(A[B)+P(A)P(B|A)’ B P(BIA)= P(B)P(A|B)+P(B)P(AIB)
C. P(B|A):% D. P(A)=P(B)P(A|B)+P(B)P(A|B).

Loi giai
Chon A.

Giasir A va B 1a hai bién c6 ngau nhién thoa man P(A)>0 va 0< P(B)<1. Khi d¢, cong thic Bayes:

= P(B)P(AIB) On ¢d thé viét dudi dang:
P(B|A)= P(B)P(A|B)+P(§)P(A|§) hay con ¢ thé viét dudi dang:
p(B|A):%.

Cau 9. Trong khdng gian Oxyz, cho mat cau (S) c6 phuong trinh x* + y® + 22 =%. Ban kinh R cua

mt cau (S) bang
1
>

A. R= B.R:%. C.R=2. D. R=4.
Loi gidi
Chon A.
Bén kinh mat cau: R:\/i:l.
4 2

Cau 10. Trong khong gian Oxyz, cho ba diém A(-11L1), B(2;1;0) C(1-12). Mt phing di qua A va

vudng goc voi dudng thang BC co phuong trinh Ia

https://www.facebook.com/truongngocvy8/ Trang 9


https://www.facebook.com/truongngocvy8/

Dé 6n kiém tra ki 2 -Toan 12 — Nam hoc 2025-2026 — C6 oi gidi chi tiét Truong Ngoc Vi 0978 333 093

A. 3x+2z+1=0 B. x+2y-2z+1=0 C. x+2y-2z-1=0 D. 3x+2z-1=0
Loi giai
Chon B.
Tacod BC = (-1;,-2;2) 1a mot vécto phép tuyén ctia mit phang (P) can tim.
n=-BC =(12;-2) ciing 1a mdt vécto phap tuyén ciia mjt phing (P).
Viy phuong trinh mit phang (P)la x+2y-2z+1=0.

Xx-3 y-4 z+5
-5

Cau 11. Trong khoéng gian Oxyz, cho duodng thiang d : . Piém nao sau day thudc

duong thang d ?
A. M(3;4;-5). B. N(2;,-5;3). C. P(-3-4;5). D. Q(2;5;-3).
Loi giai
Chon A.

3-3 4-4 -545
-5 3

Thay toa do ciia diém M (3;4;-5) vao phuong trinh dudng thiang d ta cd

Do dé M ed
Cau 12. Trong khdng gian Oxyz, cho (P):x+y—-2z+5=0 va (Q):4x+(2-m)y+mz-3=0, m la
tham s6 thuc. Tim tham s6 m sao cho mit phang (Q) vudng goc véi mat phiang (P).
A. m=-3. B. m=-2. C. m=3. D.m=2.
Loi giai
Chon D

Mit phing (P) c6 vécto phap tuyén 1a n

(L1-2).

P)
Mit phing (Q) ¢6 vécto phép tuyén 1a % =(4;2—m;m).
Taco: (P)L(Q) = np) LNg & Npplg =0 41+2-m-2m=0=m=2.

Nén m=2.

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.

Cau l. Gia str loi nhuan bién (tinh bang triéu dong) ctia mot san pham duge md hinh héa bang cong
thire P’(x)=-0,0008x+10,4. O day P(x) la loi nhuan (tinh bang triéu dong) khi bén dugc x don vi
san pham.

a) Loi nhuan khi ban dugc 50 san pham dau tién 1a 519 triéu dong.

b) Biét sur thay ddi cua loi nhuan khi doanh sé ting tir 50 1én a don vi san pham 16n hon 517 triéu dong,
khi d6 gi4 tri nho nhét cua a 1a 100.

) Loi nhuan khi ban dugc x don vi san phﬁm duoc tinh béng cong thic P (X) =-0,0008x° +10, 4x .
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d) Su thay doi cua 1gi nhuan khi doanh so6 tang tir 50 Ién 55 don vi san pham la 51,79 triéu dong.

Loi giai
A. B. C. D.
PUNG SAI SAI PUNG

50 50
a) Ta 0 loi nhuan khi bén duoc 50 san phim dau tién 14 | P'(x)dx = (-0,0008x +10,4)dx =519 (tri¢u

0
ddng)
b) Ta goi loi nhuan khi doanh s6 ting tir 50 1&n a don vi san pham 1a P(a)

a

P(a)= I P’(x)dx =j(—0,0008x +10,4)dx = =

50 50

:—ia +10,4a-519.

2500

[ 002008 2410, 4x}

50

Taco P(a)>517 @—ﬁa2+10,4a—1036>0 <100 < a < 25900

¢) Loi nhuan khi ban duoc x don vi san pham duoc tinh

X)=[P'(x)dx= 002008 x?+10,4x+C

Chon x=0 thi P(0)=0 néntacé C=0
Viy loi nhuan khi ban duoc x don vi san pham dugc tinh biang cong thirc

P(x)=- 0. 02008 x> +10,4x.

55 55
d) Taco [ P’(x)dx= [(-0,0008x+10,4)dx =51,79 nén sy thay d6i ciia loi nhuan khi doanh sd tang tir
50

50
50 1én 55 don vi san pham 1a 51,79 triéu dong.
Cau 2. Cho ham s f(x):1+l c6 dd thi (C) va ham s6 g(x):—%x+% c6 dd thi (d) (xem hinh
X

bén dudi).
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I ||
k.
_ [|I|'| I".” J
cd %
5 M
H., ==
- .'
W {J | 4 1 M o

a) J. X )dx = X—In|x|+C v6i C la hang sb.
b) Néu f(x) co mot nguyén ham la hams6 F(x) va F(1)=0 thi F(2)=1+In2.
c) Hinh phang H, (phan gach chéo) giéi han boi do thi (C), do thi (d) va cac dudng thang x=1,x =4

¢6 dién tich 1a S, —%— In4.
d) Néu S,, S, lan luot 1a dién tich hinh phang H, (phan gach chéo) va H, (hinh phang gi¢i han boi d thi
o 2 .S, 5

(C), truc hoanh va cac duong thang x =1,x =4) thi s =g

2

Loi giai
a) b) c) d)
SAI PUNG PUNG SAI

1
Taco: | f =||1+= [dx=x+In|x|+C.
a) acoJ' (x)dx I(+X)x x+In|x|+
b) F(1)=0<1+Infl]+C=0<C=-1.
< F(2)=2+In2-1=1+In2.

c) Dién tich hinh phang H, gi¢i han boi boi do thi (C), d6 thi (d) va cac duong thang x=1x=4 ¢6

“ /5 1.1 X2
dién tich Ia Slzﬂf(x)—g(x)‘dx: —=+=+=x/dx=|-=x+In|x|+ =
1 1 X 4 )
:‘—5+In4+§+§—0—l‘:‘—E In4:E—In4.
8 4 8 8 8

d) Dién tich hinh phiang H, (gi¢i han boi do thi (C), truc hoanh va céc dudng thang x=1x=4) la

4

=[x

1

‘ x+|n|x|)‘ ‘ [4+In4-1-1InY=3+In4.
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E—-In4

g—: = YTV ~0.11.
Cau 3. Khi diéu tra strc khoe nhiéu nguoi cao tudi & mot dia phuong, ngudi ta thdy rang c6 40% ngudi
cao tudi bi bénh tiéu duong. C6 70% nguoi bi bénh tiéu duong bi bénh cao huyét ap vad 25% ngudi
khong bi bénh tiéu duong bi cao huyét 4p. Chon ngiu nhién 1 ngudi cao tudi dé kiém tra stc khoe.

a) XA&c suat chon dugc ngudi bi bénh tiéu duong 1a 0,4

b) Xéc suat chon duoc ngudi bi bénh huyét ap cao, biét ngudi d6 bi bénh tiéu duong 1a 0,7 .

¢) X&c suat chon dugc nguoi bi bénh huyét ap cao 1a 0,8.

d) Xac suat chon duoc ngudi khong bi bénh tiéu dudng, biét nguoi d6 bi bénh huyét ap cao 1a 0,25.

Loi giai
a) b) c) d)
PUNG PUNG SAI SAI

Goi A:“chon dugc nguoi bi bénh tiéu duong” = P ( A) =0,4.

B: “chon duoc nguoi bi bénh huyét ap cao”

Tacé: P(B|A)=0,7 va P(B|A)=0,25

a)X4&c suat chon dugc ngudi bi bénh tiéu duong 13 0,4

b)X4c suat chon dugc nguoi bi bénh huyét ap cao, biét nguoi d6 bi bénh tiéu duong 1a 0,7
C)XAc suit chon dugc ngudi bi bénh huyét ap cao 1a:
P(B)=P(A).P(B|A)+P(A).P(B|A)=0,40,7+0,6.0,25=0,43

d)X&c suat chon duoc ngudi khong bi bénh tiéu duong, biét ngudi d6 bi bénh huyét ap cao 1a:

P(_A‘B)zl—P(A|B)=1— P(A)P(B]A) _1-040.7

0,35.
P(B) 0,43

Cau 4. Mot radar phong khong duogc dat tai vi tri goc toa do O(0;0;0) trong khong gian Oxyz, mdi
don vi trén cac truc toa do ung véi 1km. Radar nay c6 kha nang phat hién cac muc ti€u bay ban kinh
250km. Mot may bay khong ngudi 1ai (UAV) dang bay thang déu tir vi tri diém A(300;-400;100) dén
diém B(-300;400;100). UAV bay véi van téc khong doi 900km/hva mang thiét bi gdy nhiéu chu dong
c6 tam hiéu qua 50kmtinh tir UAV. Radar c6 thé theo d6i UAV trong khoang thoi gian hon 30 phit
khong?
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Hinh anh minh hoa radar tai gbc toa d6 O va dudng bay ctia UAV tir A d&én B
a) Radar khdng thé phat hién UAV khi UAV & vi tri A.
x=300-3t
b) Phuong trinh tham s6 cua duong bay UAV 13 {y = —400+ 4t .
z=0
¢) Trong suét qua trinh bay, s& c6 thoi diém UAV gay nhidu duoc radar.
d) Radar c6 thé theo ddi UAV trong khoang thoi gian hon 30 phut.

Loi giai
a) b) c) d)
PUNG SAI SAI PUNG

a) Phuong trinh mat cau mé ta ranh giGi viing phét hién cua ra da 1a x* + y? + z? = 62500.

Ta c6 khoang cich OA = /300° +(~400)° +100° ~510 > 250.
Do d6, Radar khong thé phat hién UAV khi UAV ¢ vitri A.
b) Tacé AB =(-600;800;0)=>u=(-3;4;0) la mot vecto chi phuong ctia dudng thing AB.

x =300-3t
Phuong trinh tham s6 ctia dudng bay UAV 1a {y = —400+4t .
z =100

c) Goi M 1a vi tri cia UAV xéc dinh tai thoi diém t. Khi d6 M (300 —3t;-400 + 4t;100) .

Khoang cach tir M dén radar 1a

OM = /(300 —3t)° +(~400+4t)’ +100° = /25* ~5000t + 260000 = (5t —500)° +10000 > 100

Khoang cach ngin nhat tir UAV dén radar 12 100 >50 nén UAV khéng gay nhiéu duoc radar.
d) 30pht bang 0,5 gio.
UAV nim trong pham vi cta radar khi
OM <250
< OM? <62500
& 25t —5000t + 260000 < 62500
&> 25t —5000t +197500 < 0
~54<t<145
Véit=54 = M, (138; —184;100)
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Véi t ~145= M, (-135;180;100)
Khoang cach M,M,, = 455
UAV bay véi van tdc khong d6i 900km/h nén UAV di tir M, dén vi tri M, khoang 0,51 gio.

Do d6, Radar c6 thé theo d6i UAV trong khoang thoi gian hon 30 phit.

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi cau héi thi sinh chi tra 1oi dap an.

Cau l. Mot ngudi tho nhan thiét ké mot logo hinh con mat ( phan duoc t6 dam) cho mot co so y té:
Logo la mt hinh phang gi¢i han bai hai parabol y = f (x) va y=g(x) nhu hinh v& ( don vi trén mdi
truc toa do 1a centimet). Chi phi san xuat mdi cm? trén logo la 1000 dong. Chi phi san suat mdi logo la

bao nhiéu d6ng? (Két qua lam tron dén hang don vi)

I

v =glx)

Traloi: .........ocoeeeae
Loi giai
Dap an: 9798

Goi phuong trinh parabol y=g(x) la g(x)=ax’+bx+c véi a=0 di qua cic diém co toa do lan luot

la (2;1),(0;2),(-21).

Lap hé phuong trinh ba an, tir d6 suy ra dugc <b=0 nén g(x)= —% X2 +2

Goi phuong trinh parabol y = f (X) la f (X) =mx?+nx+p v6i m=0 di qua cac diém co toa do lan luot

la (-2;0),(0;-1),(2;0).

Lap hé phuong trinh ba an, tir d6 suy ra dugc

Phuong trinh hoanh d¢ giao diem: f (x)=g(X) @%Xz ~-1= —%Xz +2< x=+6.

Dién tich hinh phang gi6i han béi hai duong thang y = f (x) va y=g(x) la:
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S, :_i‘f (x)—g(x)‘dx :_i (—%xz +2)—(%x2 —l] dx

Chi phi méi logo la:

()

Cau 2. Mot binh hoa c6 dang khdi tron xoay vai chiéu cao 1a 25cm (tham khao hinh v&). Khi cit binh

\E 1
T =1000. j dx ~ 9798 ddng.
3

hoa theo mot mit phang vudng goc véi truc ciia né thi ta lubn duoc thiét dién 12 mot hinh tron ¢ ban
. 4 4 2 . S| .. C s
kinh R :§X3 —gxz +§X+£(dm) Voi Xe [O;E} Ia khoang cach tir mat cat t61 mat day cua binh hoa

’ . r A A Y 3 A ’ r N N 2 A 5
(tinh theo don vi dm). Lugng nude can d6 vao binh d€ mirc nudce trong binh cao bang 3 chiéu cao cta

binh chiém ti 1¢ bao nhiéu phan trdm so v&i thé tich ctia binh hoa? (Két qua 1am tron dén hang don vi).

Traloi: .................ee.
Loi giai
Pap an: 92
Dién tich ctia mat cit vudng goc véi truc tai vi tri cach mat day cua binh hoa mot khoang x(dm) Ia:

2
S(x)=7zR? :ﬂ(£X3—§X2+£X+§ (dmz)
9 3 3 36

s 5 54 5 5, 4 25V
Luong nude 6 ddy binh hoa I V = [2S(x)dx = 7 [ 2 (5 X3 —gx2 +§x+%] dx ~ 3,66(dm’

APY SIEN s 2 A as
Luong nudc d6 vao binh cao bang 3 chiéu cao cua binh la:

5 204 4
V1:IO3S(x)dx:ﬂjo3 §x -

A Lo 1a A . , A O N 2 . N 3 2 . ) N
Vay ti 1¢ phan tram lugng nude can d6 vao binh @& mirc nudc trong binh cao bang 3 chiéu cao cua binh

S0 Vv&i thé tich cua binh hoa la %-100% = %-100% ~92%

Cau 3. Gia st ti 1& nguoi dan ctia mot tinh nghién thudc 13 1a 25%; ti 1& nguodi méic bénh phdi trong sb
nguoi nghién thude 13 14 72%, ti 1& nguoi khong mac bénh phdi trong s6 ngudi khong nghién thude 14 1a

86%. Ta gap ngau nhién mdt nguoi dan cua tinh d6, tinh xac suit ngudi dé6 mac bénh phdi?
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Traloh oo,
Loi gii
Pap an: 0,29
Goi A la bién cb “ngudi d6 nghién thudc 147, suy ra A 12 bién c¢b “nguoi d6 khong nghién thude 14”.
Goi B la bién c6 “ngudi d6 mic bénh phoi”.
Néu ngudi ta gip mac bénh phoi thi nguoi d6 c6 thé nghién thudc 14 hodc khong nghién thude 14.
Véi P(B)=P(A).P(B|A)+P(A).P(B|A).
Taco: P(A)=0,25; P(B|A)=0,72;, P(A)=0,75; P(B|A)=0,14
Vay P(B)=P(A).P(B|A)+P(A).P(B|A)=0,25.0,72+0,75.0,14=0,285~ 0,29
Do do, xac suat dé nguoi dan cia tinh d6 méic bénh phoi la 0,29.
Cau 4. Khi gan hé toa d Oxyz (don vi trén mdi truc tinh theo kilomét) vao mot san bay, mit phang
(Oxy) trung véi mit sin bay. Mot mdy bay bay theo duong thang tir vi tri A(L-2;3) dén vi tri
B(2;8;7). Goc gitra duong bay (mdt phan cta duong thaing AB va san bay (mdt phan cia mit phang
(Oxy)) bang bao nhiéu do (1am tron két qua dén hang don vi)?
Traloi oo,
Loi giai
Pap an: 22
Dudng thang AB ¢4 vecto chi phuong 1a U = (;10;4) , mat phang (OXy) c6 vecto phép tuyén Ia
n=(0;0;1).
Tir d6, goi a 1 goc giita duong bay (mot phan ciia duong thang AB) va san bay (mot phan cua mit

phang (Oxy)) . Ta co sina __4

V117
Suyra a ~22°.

Cau 5. Trong khong gian véi hé toa do Oxyz ( Mdi don vi trong hé toa do twong tng 100 m va mit
phing Oxy tring véi mat dat, xem mat dét 1a mat phang). Tir diém A(-7;-3;-8) qua diém B(-2;0;-9)
mot duong ham thang tén Kuckucksloch s& dugc dao xuyén vao nui.

z

s | 4

X 1F < O
iy o

Y
B A

LG |
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Tuong tu, tr di€ém C(4;-6;-6) qua diem D(7;-1-8) mot duong ham thing tén Morgenstern ciing s&
dugc xay dung. Sau khi khoang xong 2 dudng him s& gip nhau tai diém S. Tu diém S, dudng him
Kuckucksloch tiép tuc dao theo hudng véc to (2;1;2), cho dén khi dén diém P trén mat dat ma duong
ham s& cham t&i. Trén doan SP, cach P mot khoang 1200 m s& da0 mot 16i thoat hiém thang dimg. Tinh

d6 sau can dao bang bao nhiéu mét?

Traloi: ....................
Loi giai

Dap an: 800
X=—7+5t

- Ham Kuckucksloch qua A,B:AB=(5;3;-1): k:{y=-3+3t (teR)
z=-8-t
X=4+3s

- Ham Morgenstern qua C,D:C—D:(3;5;—2): m:qy=—-6+5s (seR)
Z=-6-25

Giaih¢ k=m:t=4,s=3=S5(13;9;-12).
-Tir S dao theo U =(2;12). Piém cham mit dat P

x=13+24
Puong thang: SP:<y=9+1 (12>0)
z2=-12+2

Giao v6i z=0=-12+21=0= 1 =6 suyra P(25;15;0);

-Goi Q 1a diém trong 10ng ndi nam trén doan SP, sao cho Q cach P 1200m hay QP =12 don vi. Ta c6
SP =18. Suyra Q=(17;11,-8). Ta dugc:

Vi tri trén mat dat dé khoan thang dimg: G(17;110).

D6 sau ciin khoan: |zo| =8dv =800m.

Cau 6. Trong khong gian vé&i hé toa do Oxyz (don vi trén mdi truc toa do 1a km), mot may bay dang &
vitri A(3;-2;1) va s& ha canh ¢ vi tri B(2;-5;0) trén dudong bang. C6 mdt dam may dugc md phong

boi mat phing (P) tiép xdc véi mat cau (S):(x—2)" +(y+1)" +(z+1)° =16 tai M (%—%g] Hoi

do cao ciia may bay khi di xuyén qua ddm may dé ha canh bang bao nhiéu kildmét? (Gia sir mat dat & vi

tri mdy bay dang bay dugc coi la mat phang mét phang (Oxy))

Traloi: ...
Loi giai
Pap an: 0,4
Mit cau (S) cotam I(2;-1;-1); W:(—g;—g;ﬁjz_g(l;z;_z),
9 9 9 9
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Vi (P) tiép xtic véi (S) tai M nén c6 vecto phap tuyén la n=(1;2;-2).

Phuong trinh mat phang (P) la x—%+2(y+%)—2(z—g]:0 hay (P):x+2y—-2z+6=0.

Gia sir diém C(a;b;c) 1 vi tri ma méy bay xuyén qua dam may dé ha canh, suy ra C € (P) va ba diém
A, B,C thang hang, C namgiita A va B.

Do d6 AC =kAB V6i k >0.

Tacé: AC =(a-3;b+2;c-1),AB =(-1;-3;-1).

a-3=-k a=3-k
AC =KAB < 1b+2=-3k & {b=-2-3k = C(3-k;-2-3k;1-k).
c-1=-k c=1-k

Ce(P):>3—k+2(—2—3k)—2(1—k)+6:0:k:%

Suyra C(E;—g;gj.
5 55

Vay tai vi tri C, do cao cua may bay la éz 0,4 km.
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

PE SO 7
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.
Cau 1. Tim khang dinh sai
A. I[f (x)+g(x)]dx:J. f (x)dx+Ig(x)dx. B.J. f'(x)dx=f (x)+C.
c b

f(x)dx=[f(x)dx+[f(x)dx,a<c<b.

a

C. If(x)g(x)dx:ff(x)dx.jg(x)dx. D.

D C— T

Cau2. Biétrang F(x) la mot nguyén ham cia ham s6 f (x) trén doan [1;4] va F(4)=9, F(1)=3.
4
Gid tri cia [[ f (x)+2]dx bing

1

A 0. B. 8. C. 4. D. 12.
Cau3. Cho hamso f(x)=-x*+3x*+2c6 d6 thi (C) nhu hinh v&. Tinh dién tich Sc6 hinh phang
dugc t6 nhu trong hinh.

y.ll

©

A. S=10. B. S:%. C. S:%. D. S=13.

Cau 4. Dién tich hinh phang gi¢i han boi cac duong y=e*, y=0, x=0, x=2 l&:

A. e?-1 B. e? C.e*+1 D. (¢’ -1)x
Cau 5. Cit mot vat thé boi hai mit phang vudng goc véi truc Ox tai x=1 va x=2. Mot mit phang
ty y vubng goc voi truc Ox tai diém c6 hoanh d6 x (1< x<2) cit vat thé d6 c6 dién tich
S(x)=2026x. Tinh thé tich ctia phan vat thé gi6i han béi hai mat phang trén.

A. 15187 . B. 3039. C. 30397 . D. 3036.
Cau 6. Thé tich khdi tron xoay gigi han bai cac duong y = 2x—x?, y =0 khi quay quanh truc Ox la:
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v Y y=2x—x°

\ /
\ g N I
\ . ]

\

O\

AT B. 137 L p. 17,
3 15 15 15
Cau 7. Cho haibiéncé A B saocho P(A)=0,6;P(B)=0,5P(A|B)=0,2.Khidé P(B|A) bing

A2 3

. B. —. C. i D.
25 25 6

Wl

Cau 8. Trong hop co 3 ciy but xanh va 7 but d6. Ban Bao Toan ldy 1an luot 2 1an, mdi lan lay 1 cay but
va khdng hoan lai hop. Xac suit dé cay but ldy 1an tha hai 1a bat do néu biét rang cay bat lay 1an thir nhat
ciing 1a bt do 1a?

A. 3 B.

C.
3

D.

N |-
~N N
~N |-

Cau9. Trong khong gian Oxyz, cho mit ciu (S) c6 phuong trinh (x—2)"+(y+1)" +(z-3)" =9.
Toa d6 tAm cua mat cau da cho Ia:

A. (2,-1,3). B. (-2;1;3). C. (-2,1;,-3). D. (-2;-13).
Cau 10. Trong khdng gian Oxyz, tinh khoang cach tir diem B(X,; Y,;Z,)dén mat phang (P): y + 1 =0.

Chon khang dinh d@dng trong céac khang dinh sau:

Yy, +1
A Y, B. |yo|. C. | 1’/5 | D.|y, +1l.
Cau 11. Trong khong gian Oxyz , dudng thiang niao sau diy nhan U = (—2;4;5) 1a mot vecto chi phuong?
X=-2+3t X=3+2t X=3+2t X=3+2t
A Jy=4-t B.{y=-1+4t C.y=1+4t D.iy=-1-4t
Z=5+4t Z=4+5t Z=4+5t z=4-5t

Cau 12. Trong khong gian Oxyz, cho mit phing (P):—\/§x+ y+1=0. Tinh gdc tao bsi (P) véi truc
Ox?
A. 60°. B. 30°. C. 120°. D. 150°.

PHAN II. (4 diém) Cau triac nghiém ddng sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon

ding hoac sai.

Caul. Chohamsd f(x):§+cosx.

a) Hams6 f (x) co tap xdc dinh 1a doan [-1;1]
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b) If(x)dx:x2+sinx.
2

c) jf (x)dx=1+sin2.

0
d) Néu ham s6 F(x) 1a mot nguyén ham ciia ham sd f (x) va thoa min F(0) =1 thi F(1) :%.
Cau 2. Trong mat phang Oxy, cho ham sé f (x)=ax®+bx’ +cx+g (a,b,ceR) lién tyc trén R va

c6 d6 thi (C) nhu hinh v& bén dudi. Goi A;B la phan dién tich phan duoc gach chéo nhu trong hinh

dudi.

a) D6 thiham s6 (C) cét duong thang y =0 tai mot diem phan biét.

b) A:Jl. f (x)dx

o) | f(x)dx<i f (x)dx

-2

1265

d) Dién tich hinh phang gi¢i han boi do thi ham so y = f (x); truc Ox; x=-2; x=3 bang Tan

(don vi

dién tich).
Cau 3. Trong mdt hop dung 5 qua cau chira phiéu co thuong va 10 qua cau chira phiéu khong c6
thuong ( cac qua cau clng hinh dang, kich thudc va khbi lwong). Hai ban Binh, An lan luot ldy ngau

nhién ( khong hoan lai) mdi ban mdt qua. Ban Binh lay trudc, ban An lay sau.
z A N A 5 A ’ 5 Y 1
a) X&c suat ban Binh lay dugc qua cau chira thuong 1a >
b) Biét ban Binh da lay duoc qua cau chira phiéu c6 thudng, xac suat dé ban An ldy dugc qua ciu chia

phiéu c6 thuong 1a %

P e 2, . N e b A , K , . N 2
) X&c suat dé ca hai ban cung lay duoc qua cau chira phiéu c6 thuong 1a 1
d) Biét ban An liy dugc qua cau chira phiéu c6 thuong, xac suat dé ban Binh liy duoc qua cau chira

phiéu c6 thuong 1a % :
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Cau 4. Trong khong gian Oxyz , cho duong thang d :

x-1_ lerz =273 \adiém A(23-1)

a) Piém A khong thugc duong thiang d .
b) Mat phang (P) diqua A vavudng goc d c6 phuong trinh |3 2x+y+3z+4=0.

c) Toa d¢ giao diém cia d va (P) la diém K E;_§;£ .
7 14 14

d) Goi (Q) la mat phang chira d sao cho khoang céch tir diém A dén (Q) la lén nhéat. Khi d6 mit

phang (Q) c6 phuong trinh [a 24x+75y—41z+249=0.

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi cau héi thi sinh chi tra 1oi dap an.
Cau 1. Mot cai cong hinh Parabol nhu hinh V& sau:

G

A B
Chiéu cao GH =4m), chiéu rong AB =4m, AC = BD =0,9m. Chu nha Iam hai canh cong nhua 16i thép
UPVC, khi déng lai 1a hinh chit nhat CDEF t6 dam c6 gia 1a 1500000 dong/m?, con céc phan dé tring
lam xién hoa c6 gi4 12 1000000 dong/m?. Tong sb tién dé 1am hai phan noi trén 1a bao nhiéu triéu dong?
(két qua 1am tron dén hang phan chuc).
Traloi ..ooooeeeeeennn,
Cau 2. Cho khdiV co day 1a mién phang bi giéi han boi:

- P6 thi ham s y:3x+3,x>o
X

- Truc Ox

- Hai duong thang x=1 va x=2.
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Khi d6, mdi tiét dién cua khdi V cat boi mit phing vudng goc voi truc Ox déu 1a mot tam gidc déu. Hoi
thé tich cua khéi V bang bao nhiéu? (1am tron két qua dén hang don vi)

Traloi: ....................

Cau 3. Mot nhdm c6 5 hoc sinh nam va 4 hoc sinh nir tham gia lao dong trén san truong. C6 gido chon
ngau nhién ddng thoi hai ban trong nhom di tudi cay. Tinh xac suat dé hai ban duoc chon c6 cung giéi
tinh, biét riang cé it nhat mot ban nam duoc chon. (Két qua lam tron dén hai chix sé thap phan).

Traloi: ....................

Cau 4. Trong khu du lich Vinpearl Nha Trang, nguoi ta cho du khéach trai nghiém thién nhién bang
cach du theo duong truot zipline tir vi tri A cao 15 m cua thdp 1 nay sang vitri B cao 10 m cua thap 2

trong khung canh tuyét dep xung quanh. Vi hé truc toa do Oxyz cho trude (don vi: mét), toa d6 caa A
va B lan luot 1A (3;2,5;15) va (21;27,5;10). Khi du khach khi & do cao 12 mét thi toa do cua du khéch

luc d6 1a M (a;b;c). Tinh gid tri bieu thac T =a+b+c.

Traloi ..ooooeeeeeennn,
Cau 5. Hinh bén dudi minh hoa duong bay cta mot chiée truc thing H cat canh tir mot san bay. Xét hé
truc toa o Oxyz c6 goc toa 6 O 1a chan thap diéu khién cta san bay; truc Ox 1a hudng dong (D), truc Oy

la hudng bac (B) va truc Oz 1 tryc thang ding, don vi trén mdi truc 1a Kildmét.

y(B)

Tryuc thing cat canh tir diém G. Vecto r chi vi tri cua tryc thing tai thoi diém t phat sau khi ct canh
(t>0) c6 toa do 1a: r=(1+t;0,5+2t;2t). Tim géc & ma dudng bay tao voi phuong ngang (lam tron
két qua dén hang don vi cua do).

Traloi: ....................

Cau 6. Cdng nghé hd tro trong tai VAR (Video Assistant Referee) thiét 1ap mot hé toa do Oxyz dé theo

ddi vi tri ctia qua bong M . Cho biét M dang nam trén mit san co phuong trinh z =0, dong thoi thudc
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mat cau (S): (x—22)? +(y—-4)?+(z-13)? =194 (don vi d6 dai tinh theo mét). Goi J 1a hinh chiéu tam I

clia mit cau (S) xudng mit san bong. Khoang cach tir vi tri M cta qua bong dén diém J bang bao
nhiéu mét?

Traloi: ..................
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LOT GIAI CHI TIET
PE SO 7
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt
phuong an.
Cau 1. Tim khang dinh sai

A. J.[f(x)+g(x)]dx:J'f(x)dx+J.g(x)dx. B.If’(x)dx:f(x)+c.

C. If(x)g(x)dx:ff(x)dx.jg(x)dx. D. f(x)dx:jf(x)dx+if(x)dx,a<c<b.

a

D C— T

Loi giai
Chon C.
Ap dung céc tinh chat ctia nguyén ham, tich phan suy ra khang dinh sai 12 C
Cau2. Biétrang F(x) la mot nguyén ham cia ham s6 f (x) trén doan [1;4] va F(4)=9, F(1)=3.
4
Gid tri cua [[ f (x)+2]dx bing
1
A. 0. B. 8. C. 4. D. 12.
Loi giai
Chon D.
4
Taco [ f(x)=F(x)}=F(4)-F(1)=9-3=6.
1
4

4 4
Khido [[ f(x)+2]dx=]f(x)dx+[2dx=6+6=12.
1 1

1
Cau3. Cho hamso f(x)=-x*+3x*+2c6 d6 thi (C) nhu hinh v&. Tinh dién tich Sc6 hinh phang

dugc t6 nhu trong hinh.

y.il
(C)
s
|
0 |
1 3\x’
A. S=10. B. S:%. C. S:%. D. S =13.

Loi giai
Chon B.

Dudng thang di qua diém (0;0),(3;2) c6 phuong trinh 1a: y = % X.
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3 4 3
=S :j(—x3+3x2+2—gx]:(—x—+ x3+2x—lx2] :Q_
J 3 4 3 4

Cau 4. Dién tich hinh phing gidi han boi cac duong y=e*, y=0, x=0, x=2 &
A. e*-1 B. e’ C.e?+1 D. (¢’ -1)x
Loi giai
Chon B.

Dién tich hinh phang gi¢i han boi cac duongy =e*, y=0, x=0, x=2 la:

2
—e?-1.
0

S= jexdx =e*

0
Cau 5. Cit mot vat thé boi hai mit phang vudng goc véi truc Ox tai x=1 va x=2. Mot mit phang
ty y vubng goc voi truc Ox tai diém c6 hoanh d6 x (1< x<2) cit vat thé d6 co dién tich
S(x)=2026x. Tinh thé tich ctia phan vat thé gi6i han béi hai mat phang trén.

A. 15187 . B. 3039. C. 30397 . D. 3036.

Loi giai

Chon B.

2 2
Taco V =[S (x)dx = [ 2026xdx = 3039,
1 1

Cau 6. Thé tich khéi tron xoay giGi han béi cac duong y = 2x—x?, y =0 khi quay quanh truc Ox la:

VYV y=20—-2*

PR
o L d z
\ 1 ! ’
\ \ I V4
A II ’
A AT B. 137 c. 17 p. 17,
3 15 15 15
L i giai
Chon D.
5 X=
Phuong trinh hoanh dé giao diém la: —x* +2x =0 < { 5
X =

2
Thé tich khéi tron xoay 1a: V = [ (2x—x ) o = 2%
: 15
Cau 7. Cho haibiéncé A B saocho P(A)=0,6;P(B)=0,5P(A|B)=0,2.Khidé P(B|A) bing

A. i B. —. C. i D.
25 25 6

Wl

Loi giai
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Chon C.

P(B).P(A|B) _0502 1
P(A) 06 6

Taco: P(B|A)=

Cau 8. Trong hop co 3 ciy but xanh va 7 but d6. Ban Bao Toan ldy 1an lwot 2 1an, mdi lan lay 1 cay but
va khdng hoan lai hop. Xac suit dé cay but ldy 1an tha hai 1a bat do néu biét rang ciy bat lay 1an thir nhat

ciing 1a but d6 1a?

A. g B. 1 C. g D. 1
3 2 7 7
Loi giai
Chon A.

Goi A la bién ¢ “cay bt lay 1an tha hai 13 mau do”.
Goi B la bién c6 “cay but lay lan thi nhat 13 mau do”.
Néu cdy but 1y lan thi nhat 1a cay but d6. Khi d6 trong hop con lai cay bat: gdm 3 cay bat xanh va 6 cay
but do. Vay xac suat dé cay bat ldy lan thi hai 1a mau do néu biét rang cdy but ldy lan thir nhat cling mau
do1a P(A|B)=2=2.
9 3
Cach 2:
Goi A la bién cé “cay bt lay 1an tha hai 13 mau do”.
Goi B la bién cb “cay bt lay lan thir nhat 13 mau do”.
P(AB)

Ta di tinh P(A|B) Vol P(A|B): P(B)

Khéng gian mau n(Q)=10.9 cach chon

Lan th& nhat ldy 1 cAy bt mau do c6 7 céch chon, lan thir hai ldy 1 cdy bt mau do trong 9 cay bat con

lai 6 cach 10 chon, do d6 P(B)= 2 =~
109 10
Lan thir nhat lay 1 cAy but mau do co 7 cach chon, lan thar hai 1y 1 cdy bit mau do trong 6 cay but mau
st e a , 76 7
do con lai c6 6 cach chon, do @6 P(AB)=——=—
109 15
Viy xac suat dé vién bi liy lan tht hai 13 mau d6 néu biét rang vién bi 1y lan tht nhét ciing 1a mau do 1a
7
P(AB) 1g
P(A|B)= (AB) 15 _2
P(B) 7 3
10

Cau9. Trong khong gian Oxyz, cho mit ciu (S) c6 phuong trinh (x—2)+(y+1)" +(z-3)" =9.
Toa d6 tAm cua mat cau da cho Ia:
A. (2,-1;3). B. (-2;1;3). C. (-21,-3). D. (-2;-13).

Loi giai
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Chon A.

Phuong trinh mat cau tam | (a,b,c), ban kinh R c6 dang la (x—a)2 +(y—b)2 +(z —c)2 =R?

Vay mit chu c6 phuong trinh: (x—2)" +(y+1)° +(z-3)" =9 s& co tam Ia (2;-13).

Cau 10. Trong khdng gian Oxyz, tinh khoang cach tir diem B(X,;Y,;Z,)dén mat phang (P): y + 1 = 0.
Chon khang dinh d@dng trong céac khang dinh sau:

Yo+

5 D.|y, +1l.

Ay, B. |yo|. C.

Loi giai
Chon D

Cau 11. Trong khéng gian Oxyz , dudng thang ndo sau day nhan U = (-2;4;5) 1a mot vecto chi phuong?

X=-2+3t X=3+2t X=3+2t X=3+2t
A ly=4-t B.qy=-1+4t C. y=1+4t D.cy=-1-4t
72=5+4t z=4+5t z=4+5t 7z=4-5t
Loi gidi
Chon D

Xét duong théng duoc cho ¢ cau D, c6 mdt vecto chi phuong la

U=(2;-4;-5)=—(-24;,5) (-2,-1,-1) = —(2;1;1) (thoa de bai).

Cau 12. Trong khong gian Oxyz, cho mit phing (P):—\/§x+ y+1=0. Tinh gdc tao bsi (P) véi truc

Ox?
A. 60°. B. 30°. C. 120°. D. 150°.
Loi giai
Chon A

Mit phing (P) c6 VTPT n=(—/3;10)

Truc Ox c6 VTCP i=(10;0)

GAc tao bai (P) véi truc Ox

ni]  |-VB1+10+00 3
‘HW NN

Viy goc tao boi (P) voi truc Ox bang 60°.

sin((P);0x) =|cos((P);Ox)|=

PHAN II. (4 diém) Cau triac nghiém ddng sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon

ding hoac sai.

Caul. Chohamsd f(x):§+cosx.

a) Hams6 f (x) co tap xdc dinh 1a doan [-1;1]
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b) J' f (x)dx =x*+sinx.
2

c) jf (x)dx=1+sin2.

0

d) Néu ham s6 F(x) 1a mot nguyén ham ciia ham sd f (x) va thoa min F(0) =1 thi F(1) :%.

Loi giai
a) b) c) d)
SAI SAI PUNG SAI

a) Tap xéc dinh cia ham sé f (x) :§+cosx lz: D=R.

2
b) If(x)dx:j(g+cosx]dx:%+sin x+C.

2 2

c) j f (x)dx:i(g+cosx]dx:(§+sin x]

0

=1+sin2.

0
d) Néu ham s6 F(x)1a mot nguy@n ham caa ham s f (x) va thoa mdn F(0) =1 thi F(1) :%.

1

:1+sin1
4

F(l)—F(O):Kg+cosx]dx:(§+sin x]

0
5 .

= F(@) =—+sinl.
4

Cau 2. Trong mat phang Oxy, cho ham sé f (x)=ax®+bx’ +cx+g (a,b,ceR) lién tyc trén R va

c6 d6 thi (C) nhu hinh v& bén dudi. Goi A;B la phan dién tich phan duoc gach chéo nhu trong hinh

dudi.

a) D6 thiham s6 (C) cét duong thang y =0 tai mot diem phan biét.

b) A:j' f (x)dx

1

o) | f(x)dx<i f (x)dx

-2
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d) Dién tich hinh phang gi¢i han boi do thi ham so y = f (x); truc Ox; x=-2; x=3 bang % (don vi

dién tich).
Loi giai
A. B. C. D.
SAI PUNG SAI PUNG

a) Dua vao do thi, ta c6: D6 thi ham s (C) cat duong thang y =0 tai ba diém phan biét.
1 1

b) Tac6: hamsé f(x)>0Vvxe[-2;1], nén: A= Hf (x)|dx :I f(x)dx
-2 -2

3 3 1
c) Taco: hamsé f(x) <0Vxe|[L3], nén: B:ﬂf(x)‘dx:—jf(x)dx:jf(x)dx
1

1 3

Ma tir d6 thi ; A>B<:>j dx>j

-2

d) Vi céc diém (-2;0);(10);(3;0) thudc do thi ham s6 f (x)=ax® +bx* +cx +§ nén ta c hé:

—8a+4b—20+§=0 a=i
2 12
a+b+ct2=0 olb=-2 = f(x):ix3—§x2—§x+E
2 6 12 6 12 2
27a+9b+3c+E:0 c:—é
2 12

Dién tich hinh phang gi¢i han béi do thi ham so y = f (x); truc Ox; x=-2; x=3 I

1 1
S:A+B:jf dx+j x)dx = I( 3 2—§x+E]dx+I(£x3—§x2—§x+§]dx
: 6 120 2) 127 6 120 2
1 1
ix“—ix3—§x2+§x] +(ix“—ix3 25 2+5x] 105+§:—1265 (don vi dién tich).
48 18 24 2 ), \48 18 24 2 ), 16 9 144

Cau 3. Trong mdt hop dung 5 qua cau chira phiéu co thuong va 10 qua cau chira phiéu khong c6
thuong ( cac qua cau clng hinh dang, kich thudc va khbi lwong). Hai ban Binh, An lan luot ldy ngau

nhién ( khong hoan lai) mdi ban mdt qua. Ban Binh lay trudc, ban An lay sau.
z A N A 5 A ’ 5 Y 1
a) X&c suat ban Binh lay dugc qua cau chira thuong 1a >
b) Biét ban Binh da lay dugc qua cau chira phiéu c6 thudng, xac suat dé ban An ldy dugc qua ciu chta

phiéu c6 thuong 1a % :

s A AR 9 . N A ? A ’ K y 9 N 2
) X&c suat dé ca hai ban cung lay duoc qua cau chira phiéu c6 thuong 1a 1
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d) Biét ban An liy duoc qua cau chira phiéu co thudng, xac suat dé ban Binh liy duoc qua cau chia
phiéu c6 thuong 1a % :
Loi giai
a) b) c) d)
SAl DPUNG DUNG DUNG

a) B: “ Binh liy duoc qua cau chtra phiéu c6 thudng”.

n(B) 5 1
n(Q) 15 3

n(Q)=15.14;n(B)=5.14= P(B)=

b)A: “ An liy duoc qua ciu chira phiéu c6 thudong”.

n(AB)=45= P(A|B)-NAB)_ 45 2

n(B) 514 7
12 2
) P(AB)=3.2=~".
(AnB) (ANB) 2
P(ANB P(ANB 21 2
d ) ) ) . _Z
) P(BIA) P(A) p(B),P(A|B)+P(B)-P(A|B) 21,5107
7 3 14 15
x_1:y+2:Z—

Cau 4. Trong khong gian Oxyz , cho dudng thang d : 3 Va didm A(2;3-1)

1
a) Piém A khong thugc duong thang d .
b) Mat phang (P) diqua A vavudng goc d c6 phuong trinh I3 2x+y+3z+4=0.

: . X 2 27
c) Toa do giao diém cua d va (P) la diém K —;—ﬁ;— .
7 14 14

d) Goi (Q) la mat phang chira d sao cho khoang céch tir diém A dén (Q) la lén nhéat. Khi d6 mit

phang (Q) c6 phuong trinh [a 24x+75y—41z+249=0.

Loi giai
a) b) c) d)
SAI SAI PUNG PUNG

a) Vi thay toa do diém A(2;3;-1) vao duong thing d ta thiy khong thod man.
b) Vi (P) Ld nén n=u, =(2,13).

Do d6 (P):2x+y+3z-4=0

Xx=1+2t

c) Tacd d:{y=-2+t la phuong trinh tham s d
z=3+3t

Goi K=dn(P)
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Xét phuong trinh (P):2(1+2t)+(-2+1)+3(3+3t)-4=0

:>t:—i do do K(Z;_E;Z_q
14

d) Goi H,M lan luot 1a hinh chiéu A Ién d va (Q).

Khido AM <AH =d(A(Q)) =AH<M=H.
Do d6 (Q) la mit phing di qua M (,-2;3) va vudng géc dudng thang AH .

Vi Hed nén H(1+2t;-2+t;3+3t) va AH =(-1+2;-5+1;4+3t).

Vi AH L d nén 2(—1+2t)+1(—5+t)+3(4+3t):0<:>t:—%.
Do d6 m=(_—12;—ﬁ;ﬂj
7 14’14
Vay (Q) —%( —1)—§(y+2)+%(y—3):0 & 24x+ 75y —417+249=0

PHAN III. (3 diém) CAu tric nghiém tra 1i ngin. M&i cAu héi thi sinh chi tra 1oi dap an.
Cau 1. Mot cai cong hinh Parabol nhu hinh V& sau:

G

A B
Chiéu cao GH =4m), chiéu rong AB =4m, AC =BD =0,9m. Chu nha Iam hai canh cong nhua 16i thép
UPVC, khi déng lai 1a hinh chit nhat CDEF t6 dam c6 gia 1a 1500000 dong/m?, con céc phan dé tring
lam xién hoa c6 gia 12 1000000 dong/m?. Tong sb tién dé 1am hai phan noi trén 1a bao nhiéu triéu dong?
(két qua 1am tron dén hang phan chuc).
Traloi ..ooooeeeeeennn,
Loi giai

Pap an: 13,7
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AY
4lG

bat hé truc Oxy nhu hinh Vé.

+ Goi PT Parabol c6 dang: (P): y =ax*+bx+c.

(P) c6 dinh G(0;4) va diqua B(2;0) suyra: a=-Lb=0;c=4 =(P):y=—x"+4
+Taco: x. =x, =11=y. =-11°+4=2,79 = ED=2,79.

+Seper =CD.DF =2,2.2,79=6,138(m’).

2
. . 32
A I3 N o .« y. 9 e \ \ XL _ 2 _ 2
+Dién tich hinh phang gi¢i han boi Parabol (P) va tryc hoanh la: Sty = j(—x +4) _?(m )

-2
6793 ().
1500
Po6i don vi: 1500000 dong/m? =1,5 triéu dong/m?, 1000000 dong/m? =1 triéu dong/m?.

Suy ra dién tich lam xién hoa la: S =S ;) —Scper =

Tong s6 tién dé 1am hai phan noéi trén 1a: T =6,138.1,5 +%.1 ~13,7 (triéu dong).

Cau 2. Cho khdiV co day 1a mién phang bi giéi han boi:
- P6 thi ham s y:3x+3,x>o
X

- Truc Ox

- Hai duong thang x=1 va x=2.

Khi d6, mbi tiét dién ctia khéi V cit boi mit phang vudng goc voi truc Ox déu 1a mot tam giac déu. Hoi
thé tich ctia khdi V bang bao nhiéu? (lam tron két qua dén hang don vi)
Traloi ..oooeeeeeennn,
Loi gii
Pap an: 15
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Dién tich ctia tam giac déu 14 S(x) = ﬁ(sz +12 +i2]
X

VéyV:IZS(X)dX:Izﬁ OX? +12+ dx:ﬁ 3x3 +12x— 2 ~15
1 14 2 4

X X

2:35\/5
4

1

Céau 3. Mot nhdm ¢ 5 hoc sinh nam va 4 hoc sinh nit tham gia lao dong trén san treong. Cé gido chon
ngau nhién ddng thoi hai ban trong nhom di tudi cay. Tinh xac suat dé hai ban duoc chon cé cung giéi
tinh, biét rang cd it nhat mot ban nam duoc chon. (Két qua 1am tron dén hai chix sé thap phan).
Traloi: ....................
Léi giai
Pap an: 0,33
Goi A 1abién cb “Hai ban duoc chon cé ciing gigi tinh”
Goi B 1a bién cb “Co it nhit mot ban nam duoc chon”

Suy ra AB: “Hai ban dugc chon la nam”

2
Xac suat dé chon duoc hai ban nam 1a P(AB) :C—52 _>
CZ 18
L o2 : O 2 R P(AB
Xélcsuétcléchonduzqcitnhﬁt1bannamP(B):CS—S“+C—52:E nén P(A|B)= ( ):1z0,33.
cZ C: 6 P(B)

Cau 4. Trong khu du lich Vinpearl Nha Trang, ngudi ta cho du khéch trai nghiém thién nhién bang
cach du theo duong truot zipline tir vi tri A cao 15 m cua thdp 1 nay sang vi tri B cao 10 m cua thap 2
trong khung canh tuyét dep xung quanh. Vi hé truc toa do Oxyz cho trude (don vi: mét), toa d6 caa A

va B lan luot 1 (3;2,5;15) va (21;27,5;10). Khi du khach khi & do cao 12 mét thi toa do cua du khach

luc d6 1a M (a;b;c). Tinh gid tri bicu thac T =a+b+c.

Traloi: ..................

Loi giai

Pap an: 37,3
Tacé: A(3;2,5;15), B(2127,5,10)= AB =(18;15;-5)

X =3+18t
Phuong trinh tham s6 duong thang AB 1a: <y =2,5+15t (teR).
z=15-5t
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X =3+18t
Vay phuong trinh duong thang chira duong truot zipline 1a {y =2,5+15t (teR).
z=15-5t

Xac dinh toa do cua du khach khi ¢ do cao 12 mét.

Khi du khach khi ¢ @6 cao 12 mét = z=12=15-5t :12:t:§

x=13,8
Thay t :g vao phuong trinh duong thing AB ta duoc {y =115 =C (13, 8;11, 5;12)
z=12
Vay T =a+b+c=13,8+11.5+12=37,3
Cau 5. Hinh bén dudi minh hoa duong bay ctia mdt chiée truc thing H cat canh tir mot san bay. Xét hé
truc toa do Oxyz c6 goc toa d6 O 1a chan thap diéu khién cta san bay; truc Ox 1a hudng dong (D), truc Oy

la hudng bac (B) va truc Oz 1 tryc thang ding, don vi trén mdi truc 1a Kildmét.

vi(B)

x (D)

Tryuc thing cat canh tir diém G. Vecto r chi vi tri cua tryc thing tai thoi diém t phat sau khi cit canh
(t>0) c6 toa do 1a: r=(1+t;0,5+2t;2t). Tim géc @ ma dudng bay tao voi phuong ngang (lam tron
két qua dén hang don vi cia do).
Traloi: ....................
Loi giai
Pap an: 42
Ta c6 goc # ma duong bay tao voi phuong ngang chinh 1a goc gitra dudng thang GH va mat phing
(Oxy)
Tai thoi diém t =0 thi r, =(10,5;0). Tryc thing cat canh tir diém G nén G(L0,5;0).
Tai thoi diém . ., tryc thing bay dén vi tri K thuoc duong thing GH véi K (2;2,5;2).
Puong thing GH ¢6 vecto chi phuong GK = (1;2;2) va mit phang (Oxy) co vecto phap
tuyén k =(0;0;1)

[1.0+2.0+2.] 2

Taco sin(GH,(Oxy))=
(GH.(0)) V22427 410?407+ 3
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Suy ra(GH, (Oxy))~ 42°.

Vay 0 ~42°.

Cau 6. Cdng nghé hd tro trong tai VAR (Video Assistant Referee) thiét 1ap mot hé toa do Oxyz dé theo
ddi vi tri ctia qua bong M . Cho biét M dang nam trén mit san co phuong trinh z =0, dong thoi thudce
mat cau (S): (x—22)? +(y—-4)?+(z-13)? =194 (don vi d6 dai tinh theo mét). Goi J 1a hinh chiéu tam I

ciia mit cau (S) xudng mit san bong. Khoang cach tir vi tri M cta qua bong dén diém J bang bao

nhiéu mét?
Traloi: .........ocoeene
Loi giai
Dap an: 5
il
/1
R/!
MA
J

Mt cau (S) c¢o6 phuong trinh (x—22)% +(y—4)* +(z2-13)* =194

nén co tam 1(22;4;13) va ban kinh R =194 .

Trong khéng gian Oxyz, mat san c¢6 phuong trinh z =0 triing voi mit phang toa do (Oxy), suy ra hinh
chiéu vudng goc cua diém 1(22;4;13) xudng mit san cé toa do J(22;4:0).

Trong tam gidc vudng 1IM, tacé 13 =13,IM =R=+/194 , suy ra

IM =IM? - 1% =/194-169 =5

Viy khoang cach tir vi tri M cta qua bong dén diém J 125 m.
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

DE SO 8
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét

phuong an.

R N . . 1. . A s . : .
Cau 1. Trén khoang (—0;+0), hamso F(x)= Esm 2x la mdt nguyén ham cua ham so6 nao dudi day?

A fs(X):—%COSZX. B. f4(x):—%0032x. C. f,(x)=cos2x. D. f,(x)=-cos2x.
Cau2. Chohamsb y= f(x) lién tuc trén doan [a;b] va ¢ 1a sb thuc tity y thuoc doan [a;b]. Néu

j f(x)dx=3 va [ f (x)dx=8 thi tich phanj x)dx bang

A. 11. B. 5. C.5. D. -11.
Cau 3. Diéntich S cua hinh phing gii han boi cac duong y=3x%, y=-2, x=0 va x=1 dugc tinh

bdi cong thirc nao sau day?

A S=

o'—,H

(3x*+2)dx  B.S= j 3¢ -2)d C. S:ﬂj(3x2+2)2dx. D. S:ﬂj(3xz+2)dx.
0 0 0

Cau 4. Cho hinh phing (H) gi6i han boi cac duong y=x"+3,y=0, x=0, x=2. Goi V la thé tich

khéi tron xoay duoc tao thanh khi quay (H) xung quanh truc Ox . Ménh dé nao sau day dung?

A.V:ﬂj(X2+3)dX. B.V:j(x2+3)dx. C.V:ﬂj(X2+3)2dX. D.V:j(x2+3)2dx.
0 0 0 0

Cau5. Chohamsé y=f (x) lién tuc trén R. Goi S la dién tich hinh phang giéi han boi cac dudng

y=f(x),y=0,x=-1va x=>5 (nhu hinh v& bén).

by

y=flx)
-1

o 1

Ménh dé ndo sau day dung?
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A S :—Jl' f (x)dx —i f(x)dx . B.S :Jl' f (x)dx +J5' f(x)dx .
C.S :Jl' f (x)dx —i f(x)dx . D. S :—Jl' f (x)dx +J5' f(x)dx .

Cau 6. Cho hinh phing (H) duoc gidi han bai db thi cua ham s6 y = x* va db thi ciia ham s6 y = /x

(tham khao hinh v&). Thé tich ciia khdi tron xoay thu duge khi quay (H) quanh truc Ox bang

AY
y==z
| R 7=V
__.'E
O i
AvV=2T B.v = c.v==2. D.v='%
10 10 10 10

Cau 7. Cho hai biéncs A va B ¢6 P(A)=0,2; P(B)=0,8 va P(A|B)=0,5. Tinh P(AB) c6 két
qua la

A. P(AB)=0,9. B. P(AB)=0,6. C. P(AB)=0,04. D. P(AB)=0,4.
Cau 8. Cho hai hién c6 A va B sao cho P(A)=0,6; P(B)=0,4; P(A|B)=0,3. Khidé P(B|A)
bang?

A. 0,6. B. 0,3. C.0,4. D.0,2.
Cau 9. Trong khong gian Oxyz , ban kinh cia mét cau (S): X*+y? +z°+2x—2y—62+3=0 bang

A. a1, B. 24/2 C. 41. D. 8.
Cau 10. Trong khdng gian Oxyz, cho mit phang (a):2x -y +2z -1=0; (8): x+2y -2z —-3=0.
Cosin gdc giira mét phing () va mat phang () bang:

4 4 4 4
A. — B. —— C.—— D. ——
9 9 33 33

Cau 11. Trong khong gian Oxyz , phuong trinh ndo dudi day la phuong trinh ciia mat phang (Oyz)?

A y=0 B. x=0 C.y-z=0 D.z=0
X=-1+12t X=7+8t
Cau 12. Trong khong gian Oxyz, hai duong thang d:< y=2+6t va d':{y=6+4t c6 vi tri tuong
z2=3+3t Z=5+2t
doi 1a:
A.triing nhau. B.song song. C.chéo nhau. D. cit nhau.
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PHAN II. (4 diém) CAu trac nghiém ding sai. Trong mdi y a), b), c), d) & mdi ciu, thi sinh chon

dung hoac sai.
3

Caul. Chohamsd f(x) liéntuctrén R va [ f(x)dx=2025
0

a) J%Zf (x)dx =4050.

0

6 6
b) Biét [ f (x)dx=2024, khidé [ f(x)dx=1
0 3
3
¢) [[ f(x)-4x*+2x]dx=1853
0

e 1
d) |3 ———f dx =1191
)ﬂ 2025 (X)} X

Cau 2. Cho hinh phang (H) gi¢i han boi % cung tron cia dudng tron tdm O(0;0) va ban kinh béing

4, parabol (P) c6 toa d¢ dinhr 1(2;2) va di qua goc toa do O, cac dudng thang x=0, x=4 nhu hinh

vé bén

-
r

v

M__________
N

a) Dién tich hinh phing (H ) bang 16(;1—%].

b) Dién tich hinh phang gi6i han bai parabol (P) , truc tung, truc hoanh va duong thang x = 4 bang % :
¢) Puong tron ¢6 phuong trinh 1a x> +y* =4,
d) Parabol c6 phuong trinh la y = f (x) = —%Xz +2X.

Cau 3. Truong THPT X c6 800 hoc sinh, trong d6 c6 360 hoc sinh tham gia cdu lac b thé thao.

Trong sb cac hoc sinh tham gia cau lac bo thé thao cua treong c6 188 hoc sinh biét boi. Trong s6 cac hoc
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sinh cua truong khong tham gia cau lac bd thé thao c6 132 hoc sinh biét boi. Chon ngiu nhién mot hoc
sinh cta truong THPT X.

Goi A 13 bién cb: “Chon duoc hoc sinh thudc cau lac bd thé thao”.

Goi B 14 bién ¢é: “Chon duoc hoc sinh biét boi”.

a) Xac suat P(A)=0,45.

b) Xéc sudt co didu kién P(B|A)=0,2.

c) Xac suat P(B)=0,45.

d) X&c suat chon duoc hoc sinh thudc cau lac bd thé thao ma hoc sinh d6 biét boi bang 0,58 (lam tron két
qua dén hang phan tram).

Cau 4. Trong khong gian Oxyz (don vi tinh trén mdi truc toa do 1a kilomét), mot may bay dang & vi tri
A(4; -0,5; 0,5) va s& ha canh ¢ vi tri B(3;2,5; 0) trén duong bang EG (hinh v&). C6 mét 16p may

dugc md phong boi mét phing (o) di qua ba diem M (8; 0; 0), N(0; —8; 0), P(0; 0; 0,8)

3.
G
X=4-t
a) Duong thing AB c6 phuong trinh tham s6 1a ¢y =-0,5+3t (te R).
z=0,5-0,5t

b) Khi may bay cach mat dat 120m thi vi tri cia may bay trén duong thing AB la diém
D(3,24;1,78; 0,12).

¢) Do cao ctia may bay khi xuyén qua ddm mdy dé ha canh 1a 0,42km (1am tron két qud dén hang phdn
tram).

d) Theo quy dinh cua an toan bay, ngudi phi cong phdi nhin thiy diém cubi G(4,5;5,5; 0) cia duong
bang & do cao t6i thicu 12 120m. Néu sau khi ra khoi ddm may tam nhin ctia ngudi phi cong 1a 900m thi

nguoi phi cong da dat dugc quy dinh cta an toan bay.

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi cau héi thi sinh chi tra 1oi dap an.
Cau 1. Vién gach men dung dé lat nén nha 1a mot hinh vudng c6 canh bang 80 cm (xem hinh bén
dudi). M&i vién gach co 4 bong hoa, mdi bong hoa gom 4 canh hoa. Mdi canh hoa (phan mau xanh) 1a

phin giao nhau ctia hai hinh tron c6 ciing ban kinh va khoang cach gifra hai tdm 13 20v/2 cm.
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U'c tinh ¢ cong doan trang men, phan mau xanh c6 chi phi 50 nghin dong trén mot mét vudng, cOn phan
mau tring c6 chi phi 30 nghin déng trén Mot mét vudng. Tinh chi phi (don vi: ti dong) cia cong doan
trang men nay, khi co s¢ du dinh san xuat 100000 vién gach nhu thé (1am tron két qua dén hang phan
tram).

Traloi: ....................

Cau 2. Hai 6ng nhwa PVC hinh tru c6 cling ban kinh R=5 cm xuyén qua nhau sao cho truc cta hai
6ng cat va vudng goc véi nhau (xem hinh minh hoa). Tinh thé tich phan chung cta hai 6ng nhya d6. (bé

day cia ong nhiea la khéng dang ké; don vi tinh 1a cm® va ddp sé dwoe [am tron dén hang don vi)

Traloi: ....................

Cau 3. Mot nha may san xuat bong dén c6 ti 1é bong dén dat tiéu chuan 1a 80%. Trudc khi xuat ra thi
truong, moi bong dén déu duoc kiém tra chat luong. Vi sy kiém tra khdng thé tuyét ddi hoan hao nén ti Ié
cdng nhan mot bong dén dat tiéu chuan 12 0,9 va ti 1¢ loai bo mot bong hong 1a 0,95. Hay tinh ti Ié bong
dat tiéu chuan sau khi qua khau kiém tra chat luong.

Traloi: ....................

Cau4. Trong khong gian Oxyz, véi gia tri nao cua m thi duong thang (D): X;rl: y-3_ 2_12
m m-

vudng goc véi mat phang (P):x+3y+2z=27

Traloi: ....................

Cau5. Trong hé truc toa do Oxyz, mot tia sang xuat phat tir diem A(0;6;6) theo huéng cia vecto

V=(L-1-2) vaditsi mat phang xOy, tai d6 nd bi phan xa (nhu hinh v&). Tia sang phan xa theo huéng

cta vecto U = (L, —1;2) va cit mit phang xOz tai diém C (a;b;c), tinh a+b+c.
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Traloi ..ooooeeeeeennn,

Cau 6. Trong khdng gian Oxyz, mot qué cau c6 tAm dit tai diém 1(0;3;0) dang chuyén dong thang
déu theo phuong vudng goc véi mit phang (P):2x—y+2z-9=0 véi van toe 0,002(m/s). Sau 30
pht thi qua cau tiép xac véi mit mat phang (P) . Biét don vi ctia hé truc toa do Oxyz la mét. Béan kinh

Clia mit cau bang bao nhiu mét?

Traloi: ....................
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LOT GIAI CHI TIET
DE SO 8
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt

phuong an.

R N . ‘ 1. . A s . : .
Cau 1. Trén khoang (—0;+0), hamso F(x)= Esm 2x la mdt nguyén ham cua ham so6 nao dudi day?

A fs(X)z—%COSZX. B. f4(x):—%c052x. C. f,(x)=cos2x. D. f,(x)=-cos2x.

Loi giai
Chon C.

!

Taco (%sin 2x] = CO0S 2X.

Cau2. Chohamsb y= f(x) lién tuc trén doan [a;b] va ¢ 1a sb thuc tiy y thuoc doan [a;b]. Néu
b

[ (x)dx=3 va ['f (x)dx=8 thitich phan [ (x)dx bng

A 11 B. -5. C.5. D. -11.
Loi giai
Chon B.
Ta co:

[[t(x)ax=["f (x)dx+ [ f (x)dx=-8+3=-5.

Cau3. Diéntich S cua hinh phang gidi han boi cac dudng y=3x?, y=-2, x=0 va x =1 duogc tinh

bdi cong thirc nao sau day?

A S :j(3x2+2)dx B.S :j(sxz—z)dx. C.S :ﬂj(?,x%rz)2 dx. D. S :ﬂj(3X2+2)dX.
0 0

0 0
Loi giai
Chon A.

Ta c6 dién tich S caa hinh phang gidi han boi cac dudng y=3x%, y=-2, x=0 va x=1
1 1

la S :”3)(2 +2‘dx :J'(G}x2 +2)dx
0 0

Cau 4. Cho hinh phing (H) gi6i han boi cac duong y=x"+3,y=0, x=0, x=2. Goi V la thé tich

khéi tron xoay duoc tao thanh khi quay (H) xung quanh truc Ox . Ménh dé ndo sau day dung?

A.V:ﬂj(X2+3)dX. B.V:j(x2+3)dx. C.V:ﬂj(X2+3)2dX. D.V:j(x2+3)2dx.
0 0 0 0
L i giai
Chon C.

https://www.facebook.com/truongngocvy8/ Trang 7


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333 093
b 2
2 2
V :ﬂj[f(X)] dx =V :ﬂj.(X2+3) dx .
a 0

Cau5. Chohamsé y=f(x) lién tuc trén R. Goi S la dién tich hinh phing gi¢i han boi cac duong

y=f(x),y=0,x=-1va x=>5 (nhu hinh v& bén).

4

y=f(x)
-1

] 1

Ménh dé ndo sau day dung?

A S :—Jl. f (x)dx —i f(x)dx . B.S :Jl. f (x)dx +J§ f(x)dx .
C.S :Jl. f (x)dx —i f(x)dx . D. S :—Jl. f (x)dx +J§ f(x)dx .
Loi giai
Chon C.
Taco: S :j|f(x)|dx+i\f(x)\dx=j f(x)dx—jf(x)dx.

Cau 6. Cho hinh phing (H) duoc gidi han boi db thi cua ham s6 y = x? va db thi ciia ham s6 y = /x

(tham khao hinh v&). Thé tich ciia khdi tron xoay thu duge khi quay (H) quanh truc Ox bang

AY
y==x
| 7=Vz
__113
O 1
AV BV = cv=2=L. D.v =
10 10 10 10
Loi giai
Chon B.
, , 1 3
Thé tich khdi tron xoay thu dugc 13 V = 7 j [x* - x|dx TR
0
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Cau 7. Cho hai biéncs A va B ¢6 P(A)=0,2; P(B)=0,8 va P(A|B)=0,5. Tinh P(AB) c6 két
qua la
A. P(AB)=0,9. B. P(AB)=0,6. C. P(AB)=0,04. D. P(AB)=0,4.
Loi giai
Chon D.
Taco P(A|B)+P(A|B)=1=P(A|B)=1-P(A|B)=0,5
Theo cong thirc nhan xac xuét, ta co P(ZB) = P(B).P(N B) =0,8.0,5=0,4

Cau 8. Cho hai hién c6 A va B sao cho P(A)=0,6; P(B)=0,4; P(A|B)=0,3. Khidé P(B|A)

bang?
A. 0,6. B. 0,3. C.0,4. D.0,2.
Loi giai
Chon D.
< P(B)P(A|B
Ap dung cong thirc Bayes, ta c6: P(B|A)= (B)P(A] ):0’4'0’3=0,2

P(A) 0,6

Cau 9. Trong khong gian Oxyz , ban kinh cia mat cau (S): X*+y? +z°+2x—2y—62+3=0 bang

A. V41, B. 242 C. 41. D. 8.
Loi giai
Chon B.
Tacod a:%:—lb— ; lc= g—sd 3= R=+a?+b?+c*—-d = \/ 2112 4+32-3=22.

Cau 10. Trong khdng gian Oxyz, cho mit phang (a):2x -y +2z —-1=0; (8): x+2y -2z —3=0.

Cosin gdc giira mét phing () va mat phang () bang:

4 4 4 4
A= B. —— C.— D. -———
9 9 33 33
Loi giai
Chon A

Goi n,,n,, 1an luot Ia vecto phap tuyén caa mat phang (a) va (B).
Taco E(Z; -1 2); E(l; 2,-2).

Ap dung cong thirc:

2.1-1.2-2.2] _4
ﬂ\ J2+ (2 + 2@ + 22 (27 9

cos((@), (B)) = [eos(,. )] = 1=

Cau 11. Trong khong gian Oxyz , phuong trinh ndo dudi day la phuong trinh ciia mat phang (Oyz)?
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A y=0 B. x=0 C.y-z=0 D.z=0
Loi giai
Chon B
Mat phing (Oyz) di qua diém O(0;0;0) va c6 vecto phap tuyén 1 i =(1,0;0) nén ta co phuong trinh

mat phang (Oyz) la: 1(x—0)+0(y—-0)+0(z-0)=0<x=0.

X=-1+12t X=7+8t
Cau 12. Trong khong gian Oxyz, hai duong thang d:< y=2+6t va d':{y=6+4t co vi tri tuong
z2=3+3t Z=5+2t
doi la:
A.trung nhau. B.song song. C. chéo nhau. D. cit nhau.
Loi giai
Chon A

d c6 VTCP u = (12;6;3) va di qua M (-1;2;3)
d'coé VTCP u' = (8;4;2) va di qua M'(7;6;5)
Tur d6 ta co

MM " = (8;4;2)

Suy ra [u, MM ‘]=0va [u,u’]=0

Suyra d trung voi d ',

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon

ding hoac sai.
3

Caul. Chohamsd f(x) liéntuctrén R va [ f(x)dx=2025
0

a) J%Zf (x)dx =4050.

0
6 6
b) Biét [ f (x)dx=2024, khidé [ f(x)dx=1
0 3
3

¢) [[ f(x)—4x*+2x]dx=1853

0

d) }[32“1— L f(x)}dx:lwl

I1° 205
Loi giai
a) b) c) d)
PUNG SAl SAl SAl
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a) Ta co: j2f X)dx = 2[ X)dx = 2.2025 = 4050 .

6

b) [ f(x)dx= 20244:[ dx+j x)dx = 2024@2025+j x)dx = 2024@j x=-1

0

c) J%[f (x)-4x° +2x}dx :i f (x)dx—i4x3dx+i2xdx = 2025—X4E +X2E =1953
0 0 0

0

0

0 0
d) J'[gbul _L }dX I32X+1dX 1 f (X)dX :%.32“1 _ 1
3

f(x) —~_(~2025)=1091
2025 20251 , 2025

Cau 2. Cho hinh phang (H) gi¢i han boi % cung tron cia dudng tron tdm O(0;0) va ban kinh béing

4, parabol (P) c6 toa d dinhr 1(2;2) va di qua goc toa do O, cac dudng thang x=0, x=4 nhu hinh

vé bén

-
r

v

M__________
N

a) Dién tich hinh phing (H ) bang 16(;1—%].

b) Dién tich hinh phang gi6i han bai parabol (P) , truc tung, truc hoanh va duong thang x = 4 bang % :
¢) Puong tron ¢6 phuong trinh 1a x> + y* =4

d) Parabol c6 phuong trinh la y = f (x) = —%Xz +2X.

Loi giai
a) b) c) d)
SAI SAI SAI PUNG

4
a) Dién tich hinh phing (H) la: S, = [ [\/16—x2 ~(~0,5¢* +2x)}dx ~7,23.

0
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b) Dién tich hinh phang gi6i han bai parabol (P) , truc tung, truc hoanh va duong thang x =4 la

16

Sp = [(~0,5%* +2x)dx =3

O oy N

c) buong tron tam O(0;0), ban kinh R =4 c6 phuong trinh & x* + y* =42,
d) Goi phuong trinh cua parabol y = ax* +bx+c (a= 0) :

Vi parabol di qua cac diém (0;0), (4;0) vacé dinh 1(2;2) nén ta cé hé¢ phuong trinh

c=0 1
b T3
—Z—a:2 = b:2 .

da+2b=2 c=0
L \ 1,
Suy ra phuong trinh cta parabol 1a: y = - X“+2X.

Cau 3. Truong THPT X c6 800 hoc sinh, trong d6 c6 360 hoc sinh tham gia cdu lac b thé thao.
Trong sb cac hoc sinh tham gia cau lac bo thé thao cua treong c6 188 hoc sinh biét boi. Trong s6 cac hoc
sinh cua truong khong tham gia cdu lac bo thé thao c6 132 hoc sinh biét boi. Chon ngau nhién mot hoc
sinh cta truong THPT X.
Goi A 13 bién ¢é: “Chon duoc hoc sinh thudc cau lac bd thé thao”.
Goi B 14 bién ¢é: “Chon duoc hoc sinh biét boi”.
a) Xac suat P(A)=0,45.
b) Xéc sudt co didu kién P(B|A)=0,2.
c) Xac suat P(B)=0,45.
d) Xac suat chon duoc hoc sinh thudc cau lac bd thé thao ma hoc sinh d6 biét boi bang 0,58 (lam tron két
qua dén hang phan tram).

Loi giai

a) b) c) d)
DUNG SAl SAl SAl

a) X4c suat P(A):%:OAS.

b) S hoc sinh khong tham gia cu lac bo 1a: 800 —360 = 440.

132
440
¢) Sb hoc sinh biét boi 1a: 188+132 = 320.
X4c suét P(B):@z
800

d) Taco P(B|A):%.

X4c suat c6 diéu kién P(B |K) = 0,3.

0,4
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Ap dung cong thirc Bayes, xac Sut chon dugc hoc sinh thudc cau lac bo thé thao ma hoc sinh d6 biét boi

0,45.1%%
la:P(A|B)= P(A)P'E)E(;?M) =2 2%20,5875z0,59.

Cau 4. Trong khdng gian Oxyz (don vi tinh trén mdi truc toa do 1a kilomét), mot may bay dang & vi tri
A(4; -0,5; 0,5) va s& ha canh ¢ vi tri B(3;2,5; 0) trén duong bang EG (hinh v&). C6 mét 16p may

dugc md phong béi mét phing (o) di qua ba diem M (8; 0; 0), N(0; —8; 0), P(0; 0; 0,8)

3.
G
X=4-t
a) Duong thing AB c6 phuong trinh tham s6 1a ¢y =-0,5+3t (te R).
z=0,5-0,5t

b) Khi may bay cach mat dat 120m thi vi tri cia may bay trén duong thing AB 1a diém
D(3,24;1,78; 0,12).

¢) Do cao ctia may bay khi xuyén qua ddm mdy dé ha canh 1a 0,42km (Iam tron két qud dén hang phdn
tram).

d) Theo quy dinh cua an toan bay, ngudi phi cong phdi nhin thiy diém cubi G(4,5;5,5; 0) cia duong
bing & do cao t6i thicu 12 120m. Néu sau khi ra khoi ddm may tam nhin ctia ngudi phi cong 1a 900m thi

nguoi phi cong da dat dugc quy dinh cta an toan bay.

Loi giai
a) b) c) d)
PUNG PUNG PUNG SAI

a) Duong thing AB di qua diém A(4; —0,5; 0,5) va c6 mdt vecto chi phuong AB =(-13,-0,5).

Xx=4-t
Dudng thang AB c6 phuong trinh tham sé 1a { y=-0,5+3t (teR).
z=0,5-0,5t
b) Khi may bay cach mit dat 120m hay 0,12km thi vj tri cia may bay trén duong thang AB 1a diém D

c6 cao do Z:0,12<:>0,5—0,5t:O,12<:>t:;—2.

Thay t = % vao phuong trinh duong thang AB ta duoc D(3,24;1,78; 0,12) :
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¢) Khi xuyén qua ddm may thi vi tri cia may bay la di€ém E, véi E la giao diém cua duong thang AB va
Mt phing («).
Do d6 do cao ciia may bay khi xuyén qua ddm mAy chinh 1a cao d6 cua diém E .

Mit phiang (a) di qua ba diém M (8;0;0), N(0;-8;0), P(0; 0;0,8). Ap dung phuong trinh mét

phang theo doan chan, ta c6 phuong trinh (a): g—l+i =1 x-y+10z2-8=0.

8 0,8
Thay X, Y,z theo t & phuong trinh dudng thing AB vao phuong trinh (a) ta duoc:
4-1+0,5-3t+10(0,5-0,5t)-8=0< -9t =-15<t =%.

Khi t:1 thi diém E c6 cao do Z:0,5—0,5-£:iz0,42km.
6 6 12

d) Theo y b) ta c6: Khi may bay cach mit dat 120m thi vi tri cua may bay la diém D(3,24;1,78; 0,12).

DG = (1,26; 3,72; 0,12). Khi d6: DG = /1,267 +3,72? +0,12% ~3,929km

Do DG >900m nén nguoi phi cong d6 khong dat dugc quy dinh an toan bay.

PHAN III. (3 diém) CAu trac nghiém tra 101 ngian. Mdi cau héi thi sinh chi tra 1oi dap an.
Cau 1. Vién gach men dung dé lat nén nha la mot hinh vudng c¢6 canh bang 80 cm (xem hinh bén
dudi). M&i vién gach co 4 bong hoa, mdi bong hoa gom 4 canh hoa. Mdi canh hoa (phan mau xanh) 1a

phin giao nhau ctia hai hinh tron c6 ciing ban kinh va khoang cach gifra hai tam 13 20v/2 cm.

U'c tinh ¢ cong doan trang men, phan mau xanh c6 chi phi 50 nghin ddng trén mot mét vudng, con phan
mau tring c6 chi phi 30 nghin déng trén Mot mét vudng. Tinh chi phi (don vi: ti dong) cia cong doan
trang men nay, khi co s¢ du dinh san xuat 100000 vién gach nhu thé (1am tron két qua dén hang phan
tram).
Traloi: ....................

Léi giai
Pap an: 2,65
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Xét % vién gach men (vung hinh vudng chira mét canh hoa).

Vi phan canh hoa (mau xanh) 13 phan giao nhau cua cac dudng tron c¢6 khoang cach giita cac tam la

20+/2 nén mot canh hoa 1a phan giao ctia hai phan tu hinh tron tam A, B (hinh V&), ¢6 ban kinh r = 20.
Mdi phan tu hinh trontdm A, B c6 dién tich S :%7%202 .

Dién tich hinh vudng c6 AB la duong chéo: S, = 20%.

Suy ra dién tich ctia mot canh hoa 1a 2S -S, = %n -20° - 20% = (%—1} -20%.

Do do
+ Dién tich phan mau xanh la S, :16(%—1)202 (cm?).

+ Dién tich phan mau trang S, =80>—S, (cm?).

S6 tién trang men mot vién gach 1a T = 5S, +3S, =26506,19298 dong.

Pé san xuat 100000 vién gach thi s6 tién trang men 1a

100000T =2650619298 dong = 2,65 ti dong

Cau 2. Hai 6ng nhwa PVC hinh tru c6 cling ban kinh R=5 cm xuyén qua nhau sao cho truc cta hai
dng cat va vubng goc véi nhau (xem hinh minh hoa). Tinh thé tich phan chung cta hai ng nhwa d6. (bé

day cia ong nhiea la khéong dang ké; don vi tinh 1a cm® va ddp sé dwoe [am tron dén hang don vi)

TrAOi oo,
Loi giai

Pap an: 667

Ta xét % phan giao cta hai khdi try nhu hinh v&.
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Ta goi hé truc Oxyz nhu hinh vé.

O T A

Khi d6 phan giao (H) l1a mot vat thé c6 ddy 1a mot phan tw hinh tron tdm O ban kinh 5.

Hinh tao boi cac doan giao tuyén ctia mit phang vudng goc véi truc Ox 1a mot hinh vudng ABCD c6

canh AB =+/OB? —OA2 =+/52 —x? .
Suy ra dién tich S (x)=5*—-x>.

Thé tich khdi (H) 1a: [7S (x)dx=[ (25— x*)dx= 2—20.

Vay thé tich phin giao 1a 8 % = 20300 ~ 667 (cm®).

Cau 3. Mot nha may san xuit bong dén co ti 1é bong dén dat tiéu chuan 1a 80%. Trudc khi xuat ra thi
truong, moi bong dén déu duoc kiém tra chat luong. Vi sy kiém tra khdng thé tuyét ddi hoan hao nén ti lé
cdng nhan mot bong dén dat tiéu chuan 12 0,9 va ti 1¢ loai bo mot bong hong 1a 0,95. Hay tinh ti Ié bong
dat tiéu chuan sau khi qua khau kiém tra chat luong.
Traloi: ....................
Léi gii
Pap an: 0,73
Goi A la bién c6 “bong dat chuan sau khi qua kiém tra chét luong”
B 1a bién cb “san pham dat tiéu chuan”.
Theo bai rata c6: P(B)=0,8; P(E) =1-0,8=0,2
Do ti Ié cong nhan mot bong dén dat tiéu chuan 1a 0,9 nén P(A| B) =0,9.
Ti 18 loai bo mot bong hong 1a 0,95 nén P(A|§) =1-0,95=0,05.
Theo cdng thirc x4c suat toan phan ta co:
P(A)=P(B).P(A|B)+P(B).P(A|B)=0,80,9+0,20,05=0,73.

Cau 4. Trong khong gian Oxyz, Vvéi gid tri ndo cia m thi duong thang (D): X;rl: yr;3 = ;_12

vudng goc véi mat phang (P):x+3y+2z=27

Traloi: ....................
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Loi giai
Pap an: 6
Vecto chi phuong cua (D): a=(2;m;m-2).
Vecto phap tuyén cia (P): fi=(13;2).
(D)L(P) < ava n cung phuong: ZZ%ZmT_Z < m=6.

Cau5. Trong hé truc toa do Oxyz, mot tia sang xuat phat tir diém A(0;6;6) theo huéng cia vecto
V=(L-1-2) vaditsi mat phang xOy, tai d6 nd bi phan xa (nhu hinh v&). Tia sang phan xa theo huéng

cta vecto U = (L, —1;2) va cit mit phang xOz tai diém C (a;b;c), tinh a+b+c.

24
|-- &
A
( -
A L
h "
I -
3 y
) A e B3
§a
X '/'/
]
Traloi: ...,
Léi gii
Pap an: 12
X=0+t
- Phurong trinh tia sang g di qua diém A(0;6;6) va co vecto chi phuong (1;,-1-2) la:{y=6-t
z=6-2t
Giao diém v6i mat phang xOy(z=0): 6-2t=0=1t=3= B(3;3;0)
X=3+S$
- Phuong trinh tia phan xa h tai B(3;3;0) va c6 vecto chi phuong U =(L-12)1a: <y=3-5
z=0+2s

Giao diém v6i mat phang xOz(y=0): 3-s=0=5=3=C(6;0;6)

=a+b+c=12
Cau 6. Trong khdng gian Oxyz, mdt qué cau c6 tAm dit tai diém 1(0;3;0) dang chuyén dong thang

déu theo phuong vudng goc véi mit phang (P):2x—y+2z-9=0 véi van toc 0,002(m/s). Sau 30
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pht thi qua cau tiép xac véi mit mat phang (P). Biét don vi cta hé truc toa dd Oxyz 1a mét. Ban kinh

Clia mit cau bang bao nhiu mét?

Traloi: ..o
Loi giai
Pap an: 0,4

3.6(m) 0.4(m)

Po6i: 30 phit =1800s
Sau 30 phit, qua cau di chuyén duge mdt quing bang 1800.0,002=3,6(m).
Khoéng c4ch tir diém | dén mat phang (P) bang 4(m).

Vay ban kinh cta mdt cau bing 4-3,6 =0,4(m)
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

DPE SO 9
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.
Caul. (Nguyénham F(x)ciahamsé f(x)=e*+2sinx thoamain F(0)=20 la:
A. F(x)=—e*-2cosx+23. B. F(x)=e"-2cosx+21.

C. F(x)=e"+2cosx+17. D. F(x)=e"+2sinx+19.
2 2
Cau2. Cho [[ f(x)-3x*|dx=4.Tichphan [ f (x)dx bing
0 0

A. 8. B. -4. C.12. D. 4.
Cau3. Chohamsb y= f(x) lién tuc va khong 4m trén doan [0;4]. Dién tich hinh phang gi6i han béi

dd thi ham s6 y = f (x) va cac duong thang y=0;x=0;x=4 Ia

A. S:ﬂjf(X)dX. B. S:ﬂjfz(X)dX. C. S:jfz(x)dx. D.S:jf(x)dx

0
Cau 4. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thic ndo dudi day?

YA

/5

—1

Y= 2 —22-1

Y= —x? +3
2 2 2 2
A [(-2x+2)dx B. [(2x-2)dx C. [(-2%* +2x+4)dx  D. [(2x* -2x-4)dx
-1 -1 -1 -1
Cau 5. Cho hinh phang D gidi han véi dudng cong y=+/x?+1, truc hoanh va cic dudng thing
x =0, x =1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?

_4z C.V=2z p.v=2
3 3

A V=2 B.V

Cau6. Cho (H) Ila hinh phang duoc t6 dam trong hinh V& va duoc gidi han boi cac duong

y=x*+1, x=0, x=1, y=0.
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Y

JEL] st

Thé tich khoi tron xoay khi cho hinh phang (H) quay quanh truc Ox dugc tinh theo ¢dng thirc nao sau

day?
A.V:j(x2+1)dx. B.V:ﬂj(xz+1)dx. C.V:j(x2+1)2dx. D.vzﬂj(x2+1)2dx.
0 0

0 0

Cau7. Cho haibiénco A B vsi P(B)=0,8,P(A|B)=0,5. Tinh P(AB)

A B. 0,4 C. 0,8. D. 0,5.

~N | w

Cau 8. Cho haibiéncé A B thoaman P(A)=0,4;P(A|B)=0,5P(AB)=0,1.Khido, P(B) bing
A. 0,9. B. 0,25. C.0,2. D. 0,75.
Cau9. Trong khong gian Vi hé toa do Oxyz, cho mat cau
(S):X*+y*+2°—2x+4y+2z+2m-1=0, véi m la tham sb. Gid tri ciia tham s m dé mat cau c6 ban
kinh Ia 3 bang
A -1, B.O. C. -2. D. 1.
Cau 10. Trong khoéng gian Oxyz, tinh téng cac gia tri tham s m dé mat phang
(P):(m+2)x+2my-mz+5=0 va (Q):mx+(m—-3)y+2z-3=0 hop v&i nhau mot goc o =90°.
A.6 B. 4 C.8 D. 2
Cau 11. Trong khdng gian Oxyz, cho diém M (12;3). Goi M, M, lan luot 1a hinh chiéu vuong goc
cia M I&n cac truc Ox, Oy . Vecto nao dudi day 1a mot vecto chi phwong ctia duong thang M, M, ?
A. U =(-12;0) B. 0=(0;2;0) C.0=(320) D. 0 =(10;0)
Cau 12. Trong khéng gian Oxyz , phuong trinh tham sé truc Oz 1a

X=t
(teR). C.iy=0 (teR). D.<y=0 (teR).
z=0 z=t

0
t

X
A. z=0. B.<y=
z
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PHAN II. (4 diém) CAu trac nghiém ding sai. Trong mdi y a), b), c), d) & mdi ciu, thi sinh chon

ding hoac sai.

2
Caul. Chohamsé f(x)=X %=1
X
X2
a) J'f(x)-dx:?+5x—7lnx+c.
\ £ \ n ~ \ , \ £ X2+7

b) Ham so f (x) la mot nguyén ham cia ham s6 g (x)=—;

X

=]
c) jf(x)-dx:m+mlnn,véi mnenN', 113 phan s6 toi gian. Tong m+ 2025n = 4057 .
2 n n

d) Goi G(x) la nguyén ham cua ham s f(x) théa man G(1)=4 va G(3)+G(-9)=20. Khi d6

G(-6)=aln2+bIn3+c, véi a,b,c lacac sb hitu ti. Tong a+b+c=

w|N

Cau 2. Trong mit phang Oxy, cho ham sé y = f(x) lién tuc trén [-3;3] c6 do thi nhu hinh V&, Biét
rang f (x) tao véi truc hoanh va 2 duong thang x =-3,x =3 mot hinh phang (H) gom 2 phén c6 dién
tich lan luot 1a S,,S, (S, 1a phan t6 ¢dam nam trén truc hoanh, S, Ia phan t6 dam nam duéi truc hoanh

nhu hinh vg)

4 |

— e
Do
ST ey .0

a) S, = j'(2x—4)dx

2

-1 1 2
b) S, = j(x+3)dx+j2dx+j(—2x+4)dx
-1 1

-3

3

€) Sy =Sy + [ (—2x+4)dx

(H)
2

d) Giéi han hinh phang (H ) c6 dién tich bang 10 (don vi dién tich).

Cau 3. Co hai hop dung cac vién bi cung kich thuéc va khdi lwong. Hop thir nhat chira 3 vién bi xanh
va 9 vién bi do, hop thir hai chtra 6 vién xanh va 8 vién bi do. LAy ngau nhién 1 vién bi tir hop thtr nhat
chuyén sang hop thir hai, sau d6 1ay ngau nhién 2 vién bi tir hop thir hai. Goi A 1a bién ¢6 "Vién bi duoc

lay ra tir hop thir nhat 1a xanh", B 12 bién c¢6 "Hai vién bi duoc ly ra tir hop thir hai 1a xanh".
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z A 5 <A A Y 1
a) X&c suat cia bicnco A la 7

b) Xéc suét cua bién cd B 1a g

¢) Gia st 2 vién bi liy ra tir hop tha hai 14 2 vién bi xanh thi xac suat lay duoc vién bi xanh & hop th
nhét 13 -
22

d) Gia sir 2 vién bi liy ra tir hop thir hai 1a 2 vién bi xanh thi xac suat lay duoc vién bi d6 & hop thir nhat

11
la =—
70

Cau 4. Trong khong gian Oxyz, cho hinh lap phuong ABCD.A'B'C'D’ c6 A(0;0;0), B(1;0;0),
D(0;10), A'(0;0;1).
a) Toa do cac dinh con lai cia hinh 1ap phuong 1a B'(1;0;1), D*(0;1;1), C(1;1;0),C(1;1;1)
X=t
b) Phuong trinh tham sé ctia dudng thang C'D 1a {y =1
z=-1
c) Mot véc to phap tuyén cia mat phang (A'C'D) l1a n(-1;1;1)
d) Goi E,F 1a cac diém lan luot thudc duong thang C'D va truc Ox sao cho dudng thang EF vudng

goc voi mit phing (A'C'D). Khidé EF =+/3.

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi caAu héi thi sinh chi tra 1oi dap an.

Cau 1. Mot hoa van trang tri duoc thiét ké gdm hai dudng tron dong tdm va bdn phan cta bén duong
parabol chung dinh (dinh 12 tdm cta hai dudng tron). Biét rang hai dudng tron d6 co ban kinh 1an luot 1a
20 cm va 16 cm; bon duong parabol d6 d6i mot cét nhau tai bén diém (khac dinh cua parabol) 1a bén
dinh ctia mot hinh vudng nodi tiép duong tron nhé (nhur hinh vé bén). Tinh dién tich phan t6 dam (két qua

duoc tinh theo cm? va 1am tron dén hang don vi).

Traloi: ....................
Cau 2. Nhan dip di d& ngoai, 16p 12A du kién dung mot cai trai cac khung xuong cé dang hinh parabol
nhu hinh v&. Nén cua 18u trai 1a mot hinh chit nhat c6 kich thudc bé ngang 3 mét, chidu dai 5 mét, dinh

trai cach nén 3 mét. Thé tich phan khong gian bén trong léu trai bang bao nhiéu mét khdi?
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Traloi: ....................

Cau 3. Tai mot dia phuong c6 500 ngudi cao tudi, bao gom 260 nam va 240 nit. Trong nhom ngudi
cao tudi nam va nir lan lugt c6 40% va 55% bi bénh tiéu duong. Chon ngau nhién mot ngudi. Xac suat
dé chon duoc mot ngudi khong bi bénh tiéu duong 1a bao nhiéu? (két qua lam tron dén hang phan tram)

Traloi: ....................
Cau4. Trong khong gian Oxyz, cho mat phing (a):x+y-2z+2=0 va hai diém A(2;0;1),
B(L12). Goi d 1a dudng thing ndm trong (o) va cit dudng thang AB, thoa médn goc giira hai duong

thang AB va d bing goc gilta duong thing AB va mit phang (). Khodng céch tir diém A dén duong

thang d bang #, Véi a,beZ va % la phan s6 téi gian. Tinh a+b.

Cau 5. Trong khdng gian Oxyz ( mdi don vi trong hé toa d twong tng 1m), c6 doan thiang ding PQ
v6i: P(4;3:0),Q(4;3;6). Anh sang song song theo hudng cua vecto V = (—2;1;—2) chiéu vao doan thang
PQ, tao bong 1a hai doan thaing Q'Q” va PQ" (Q'Q” nam trén mit phang Oyz va PQ’' nam trén mat
phiang Oxy nhu hinh v§). Hay tinh tong d dai doan chiéu bong PQ”"+Q'Q" (lam tron két qua dén hang

phan muoi cua mét)

ZA

~ O

Traloi: ...l
Cau 6. Trong mot bé hinh lap phuong canh 1m c6 chira mot it nude. Nguoi ta dat day bé nghiéng so
VGi mat phang nam ngang. Biét rang, lac d6 mat nudc ¢6 dang hinh binh hanh ABCD va khoang céch tir

cac diém A, C dén day bé twong tng 1a 25cm, 75cm.
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Tm

Dé gdc giita mat nuwéc va mat day bé dat gia tri nho nhét thi khoang cach tir diém B dén mat day bé bing
bao nhiéu centimét?

Traloi: ...
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LOI GIAI CHI TIET

PE SO 9

PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt

phuong an.

Caul. (Nguyénham F(x)ciahamsé f(x)=e*+2sinx thoamain F(0)=20 la:

A. F(x)=—e*-2cosx+23. B. F(x)=e"-2cosx+21.
C. F(x)=e*+2cosx+17. D. F(x)=e"+2sinx+19.
Loi giai
Chon B.

F(x):J' f (x)dx:j(ex+23in x)dx:ex—2cosx+C
Ma F (0) =20 < e° ~2c0s0+C =20 <> C = 21.

Vay F(x)=e*-2cosx+21.

Cau2. Cho j —3x |dx =4. Tich phan j x)dx bing
A.S8. B.-4. C.12. D. 4.
Loi giai
Chon C.

j[f() 3x° ]dx 4<:>j x)dx — 3Ix2dx 4

0

@if dx x| = i dx 8= 4<:>j dx 12.

Cau3. Chohamsb y= f(x) lién tuc va khong 4m trén doan [0;4]. Dién tich hinh phang gi6i han béi
dd thi ham s6 y = f (x) va cac duong thang y=0;x=0;x=4 Ia

4 4 4 4

A. S =x[f(x)dx. B. S =rx[ f*(x)dx. C. s =[f*(xdx. D.S = [ f (x)dx
0 0 0 0
Loi giai

Chon D.
Cau 4. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thic ndo dudi day?
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A. j(—2x+2)dx B. j(zx—z)dx C. J%(—2x2+2x+4)dx D. J%(2x2—2x—4)dx
-1 -1 -1 -1

L i giai
Chon C.
Dién tich hinh phang gach chéo trong hinh vé 1a:

2

S= ”(—x2 +3)—(x2 —2x—1)‘dx = j‘—sz + 2x+4‘dx = i(—sz + 2x+4)dx.
e} ]

-1

Cau 5. Cho hinh phing D gidi han véi dudng cong y=+/x*+1, truc hoanh va cic dudng thing
x = 0,x =1. Khdi trdn xoay tao thanh khi quay D quanh truc hoanh ¢ thé tich V bang bao nhiéu?

4z C.V=2z p.v=2
3 3

Loi giai

A V=2 B.V

Chon B.

Thé tich khdi tron xoay dugc tinh theo cong thirc:

v :ﬂi(mf dx :ﬁ(x2 +1)dx =n(§+ x]

0

1

0
Cau6. Cho (H) Ila hinh phang duoc t6 dam trong hinh V& va duoc gidi han boi cac duong

y=x*+1 x=0, x=1, y=0.

JEL] st

Thé tich khoi tron xoay khi cho hinh phing (H) quay quanh truc Ox dugc tinh theo ¢dng thirc nao sau

day?
A.V :j(x2 +1)dx. B.V :ﬂj(Xz +1)dx.  C.V :j(x2 +1)2 dx. D.V :ﬂj(Xz +1)2 ax .
0 0 0 0
Loi giai
Chon D.

1
Thé tich khoi tron xoay Ia: V =7 [ (x* +1) dx
0

Cau7. Cho haibiénco A B vsi P(B)=0,8,P(A|B)=0,5. Tinh P(AB)
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A E B. 0,4 C. 0,8. D. 0,5.

-
Loi giai

Chon B.

Tacé P(AB)=P(A|B)P(B)=0,5.0,8=0,4

Cau 8. Cho haibiéncé A B thoaman P(A)=0,4;P(A|B)=0,5P(AB)=0,1.Khido, P(B) bing

A.0,9. B. 0,25. C.0,2. D. 0,75.

Loi giai

Chon D.

Pat P(B)=x suyra P(B)=1-x.

Theo cdng thirc x4c suat toan phan, ta co:

P(A)=P(B).P(A]| B)+P(§).P(A|§)

< 0,4=0,5x+0,1(1-x)

< 0,3=0,4x

< x=0,75

Vay P(B)=0,75.

Cau9. Trong khong gian Vi hé toa do Oxyz, cho mat cau

(S):X*+y*+2°—2x+4y+2z+2m-1=0, véi m la tham sb. Gid tri ciia tham s m dé mat cau c6 ban

kinh Ia 3 bang
A -1, B. 0. C. -2. D. 1.
Loi giai
Chon A.

Mit cau dé cho ¢6 tam 1 (L-2;-1).

Ban kinh cia mat chu: R =3 1’ +(-2)° +(~1)’ ~2m +1=3.
o J7-2m =3.
&S T7-2m=9.
S m=-1.
Cau 10. Trong khoéng gian Oxyz, tinh téng cac gia tri tham s m dé mat phang
(P):(m+2)x+2my-mz+5=0 va (Q):mx+(m—-3)y+2z-3=0 hop v&i nhau mot goc o =90°.
A.6 B. 4 C.8 D. 2
Loi giai
Chon D
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Mat phang (P), (Q) c6 vecto phép tuyén lan luot 1a fi, =(m+2;2m;-m), fi, =(m;m-3;2)

m=0
m=2

(P)L(Q) < fi,.fi, =0 <= (m+2)m+2m(m-3)-2m=0 < 3m’ —6m:0<:{
Cau 11. Trong khdng gian Oxyz, cho diém M (12;3). Goi M, M, lan luot 1a hinh chiéu vudng goc
cia M I&n cac truc Ox, Oy . Vecto nao dudi day 1a mot vecto chi phwong ctia duong thang M, M, ?

A. U =(-12;0) B. 0=(0;2;0) C. 0=(120) D. 0 =(10;0)

Loi giai

Chon A
M, 1a hinh chiéu cia M 1én truc Ox = M, (1,0;0).
M, Ia hinh chiéu cua M Ién truc Oy = M, (0;2;0).
Khi d6: MM, =(~12;0) 2 mot vecto chi phuong ciia M,M, .

Cau 12. Trong khéng gian Oxyz , phuong trinh tham sé truc Oz 1a

x=0 X=t =
A z=0. B.{y=t (teR). C.qy=0 (teR). D.{y=0 (teR).
z=0 z=0 z=t

Lo giai
Chon D
Truc Oz di qua gbc toa do O(0;0;0) va nhan vecto don vi k =(0;0;1) lam vecto chi phuong nén c6
x=0

phuong trinh tham s6 {y=0.
z=t

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon

ding hoac sai.

2
Cau 1. Chohamss f (x)=>2="
X2
a) J'f(x)-dx:?+5x—7lnx+c.
\ £ \ n ~ \ , \ £ X2+7
b) Ham so f (x) la mot nguyén ham cua ham s g(x)= 2

=]
c) jf(x)-dx:m+mlnn,véi mnenN, 113 phan s6 toi gian. Tong m+ 2025n = 4057 .
2 n n

d) Goi G(x) la nguyén ham cua ham s f(x) théa man G(1)=4 va G(3)+G(-9)=20. Khi d6

G(-6)=aln2+bIn3+c, véi a,b,c 1a cac sb hitu ti. Tong a+b+c:§
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Loi giai
a) b) c) d)
SAI PUNG PUNG SAI

2 2
a) J'f(x)-dx:jﬁ-dx:I(x+5—§j-dx:jf(x)-dx:X?+5x—7In|x|+C.

-1

c) Tf(x)-dx:(x—22+5x—7ln|x|]

:(1_5j—(2—10—7|n2)=Z+7In2,
2 2

-2

m=7
khi dé { 5 nén m+ 2025n = 4057 .

d) G(x) languyén ham cia hamsé f (x) thi

2
2 X—+5X—7|nX+Cl,VX€(0;+OO)
G(x):x?+5x—7ln|x|+C: 22

X?+5x—7ln(—x)+Cz,Vxe(—oo;O)

Ta co: G(l):4<:>%+5+01:4<:>01:—g

2

2
G(3)+G(—9):20<:>%+5.3—7In3—%+%+5.(—9)—7|n9+€2 =20 C, :%+21In3

—6)°
Khi do: G(—6):( 2) +5.(—6)—7In6+%+21|n3:—7In2+14In3—1—21.
a=—7
Suyra <b=14 nén a+b+c:g.
-11
C:_
2

Cau 2. Trong mit phang Oxy, cho ham sé y = f(x) lién tuc trén [-3;3] c6 do thi nhu hinh V&, Biét
rang f (x) tao véi truc hoanh va 2 duong thang x =-3,x =3 mot hinh phang (H) gom 2 phén c6 dién
tich 1an luot 1a S,,S, (S, 1a phan t6 ¢dam nam trén truc hoanh, S, Ia phan t6 dam nam duéi truc hoanh

nhu hinh vg)
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7
2

SEETELES o
= |

a) S, = j'(2x—4)dx

2

b) S, —f(x+3 dx+j2dx+j (—2x+4)dx

-3

3
€) Sy =S+ [ (—2x+4)dx
2

d) Gioi han hinh phang (H) c6 dién tich bang 10 (don vi dién tich).

Loi giai
A. B. C. D.
PUNG PUNG SAI SAI

x+3,  xe[-3-1]
Xéthamso y = f (x), taco: f(x)=12, xe[-11]
—2x+4, xe[13]

a) Dua vao hinh v&, taco: f(x)=-2x+4<0,x[2;3] nén

JS' |[-2x+ 4| dx = i 2x+4)dx:i(2x—4)dx.
2 2

2

b) Dua vao hinh V&, ta c6: S, = Jz" f (x)]dx :_f(x+3)dx+jde+j(—2x+4)dx.
-3 -3 - 1

¢) Taco: S, = i‘f (x)|dx=8,+S, = Sl—i(—2x+4)dx.
2

-3

3 -1

c) S(H):Hf ‘dx S, +S, _I(x+3 dx+I2dx+I —2x+4 dx+I 2x—4)dx

-3 -3

= (l X2 +3x)
2

Cau 3. Co hai hop dung cac vién bi cung kich thuéc va khdi lwong. Hop thir nhat chira 3 vién bi xanh

-1

+2x" +(~x +4x) +(x* - 4x)| =8 (don vi dién tich).

-3

va 9 vién bi do, hop thir hai chtra 6 vién xanh va 8 vién bi do. LAy ngau nhién 1 vién bi tir hop tht nhat

https://www.facebook.com/truongngocvy8/ Trang 12


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333 093

chuyén sang hop thir hai, sau d6 lay ngiu nhién 2 vién bi tir hop thir hai. Goi A 1a bién ¢ "Vién bi duoc
lay ra tir hop thir nhat 1a xanh", B 12 bién c6 "Hai vién bi duoc lay ra tir hop thir hai 1a xanh".

s A o Y4 A \ 1
a) Xac suat cua bién co A la 7

b) Xéc suét caa bién cd B 1a %

c) Gia sir 2 vién bi lay ra tir hop thir hai 1a 2 vién bi xanh thi xac suét 1y duoc vién bi xanh ¢ hop thir

nhit 1a e

22
d) Gia sir 2 vién bi liy ra tir hop thir hai 1a 2 vién bi xanh thi xac suat lay duoc vién bi d6 & hop thir nhat
L 11
la =

70
Loi giai
a) b) c) d)
PUNG SAl PUNG SAl

a) S6 cach lay 1 vién bi bat ki tir hop thar nhat 14 12 va sb cach lay dwoc 1 vién bi xanh tir hop thir nhat 13

3. Vay xac suat bién c6 A la P(A)—%:%.
3 1 — 3
b) P(A)=—====P(A) ==
) P(A) -2 (A)
2 2
P(B|A) = ==; P(B| &)= =2 ==
CZ 5 ci 7
11 31 11
P(B)=P(A).P(B|A)+P(A)P(B|A)==.=+2.= ===,
(B)=P(A).P(B|A) ()(I)4547 =0
¢) Tacantinh P(A|B),( X4c suat bién c6 Avai diéu kién B)
11
tacé P(A|B)=PAPBIA) 4’5 7
P(B) 1 22
70

d) Ta can tinh P(A|B),( x4c sut bién cb Avéi diéu kién B)

Taco P(A|B)=1-P(A|B) =1-— ==
22 22

Cau 4. Trong khong gian Oxyz, cho hinh lap phuong ABCD.A'B'C'D’ c6 A(0;0;0), B(1;0;0),
D(0;10), A'(0;0;1).

a) Toa do céc dinh con lai cua hinh Iap phuong 1a B'(1;0;1), D'(0;1;1), C(1;1;0),C"(1;1;1)

https://www.facebook.com/truongngocvy8/ Trang 13


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333 093

X=t
b) Phuong trinh tham sé ctia dudng thang C'D 1a {y=1
z=—1

c) Mot véc to phap tuyén cia mat phang (A'C'D) l1a n(-1;1;1)
d) Goi E,F 14 cac diém lan luot thudc duong thang C'D va truc Ox sao cho dudng thang EF vudng

goc voi mit phing (A'C'D). Khido EF =+/3.

Léi giai
a) b) c) d)
PUNG SAI PUNG PUNG
a) B'(1;0;1), D'(0;1;1), C(1;1;0),C"(1;1;1)
X=t
b) Tacé DC'=(1;0;1)= Phuong trinh tham sb cua duong thing C'DIa y =1.
z=t

¢) Tacd DA'=(0;-1;1) = n=| DC",DA"|=(-1;1;1).

d) Cé Ee(a,1l,a)eC'D; F(b;0;0)eOx= FE =(a-b;1;a).

oatE=e

EFL(A'C'D):a—_b:%:

a

—=

1
Suyra FE =(-1;1;1) = EF = /3.

PHAN III. (3 diém) CAu trac nghiém tra 10i ngian. Mdi caAu héi thi sinh chi tra 1oi dap an.

Cau 1. Mot hoa van trang tri duoc thiét ké gdm hai dudng tron dong tdm va bdn phan cta bén duong
parabol chung dinh (dinh 12 tdm cta hai dudng tron). Biét rang hai dudng tron d6 co ban kinh 1an luot 1a
20 cm va 16 cm; bon duong parabol d6 d6i mot cét nhau tai bén diém (khac dinh cua parabol) 1a bén
dinh ctia mot hinh vudng nodi tiép duong tron nhé (nhur hinh vé bén). Tinh dién tich phan t6 dam (két qua

duoc tinh theo cm? va 1am tron dén hang don vi).

Traloi: .........ocoeene
Loi giai
Dap an: 623
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Dién tich phin vanh khuyén: S, = 7(20% —16%) =144z cm?,

- N 1
Chon hé truc nhu hinh V&. Ta ¢6 parabol ¢6 phuong trinh [3: (P):y = —=x?

8.2

, B2 2 & T s
Khi d6, dién tich phin canh hoa 1a: S, =8. j (x——xzjdx:& Z 2 | == cm?
0 0

82 2 242 3

Vay dién tich phan t6 dam 1a: S =S, +S, =1447 + % ~ 623 cm?,

Cau 2. Nhan dip di d& ngoai, 16p 12A du kién dung mot cai trai cac khung xuwong cé dang hinh parabol
nhu hinh v&. Nén cua 18u trai 1a mot hinh chit nhat c6 kich thudc bé ngang 3 mét, chidu dai 5 mét, dinh

trai cach nén 3 mét. Thé tich phan khong gian bén trong léu trai bang bao nhiéu mét khdi?

Traloi: ....................
L i giai
Pap an: 30
Chon hé truc toa d0 nhu hinh V€, hinh dang khung trai la parabol c6 phuong trinh

y = f(x) =ax® +bx+c, vi dinh trai cao 3 m va bé ngang rong 3 m nén parabol di qua diém (0;3) va

2
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Tacd :<3=c oSla=——

Suy ra parabol c6 phuong trinh y = f (x) = —%XZ +3.

MJi mit phang vudng goc Ox tai diém c6 hoanh do x,0< x<h cat khéi chot theo mat cit 1a hinh chir

nhat ¢6 do dai cac canh 1an luot 145 va | £ (X)], co dién tich S(x)=5.] f (X)], voi —g <x sg |
3 31,

Vay thé tich phan khong gian trong trai 13 V = jza 5.0 F(x)|dx = s.j 2 —§x2 +3[dx = 30m°.
! !

Cau 3. Tai mot dia phuong c6 500 ngudi cao tudi, bao gom 260 nam va 240 nit. Trong nhom ngudi
cao tudi nam va nir lan lugt c6 40% va 55% bi bénh tiéu duong. Chon ngau nhién mot ngudi. Xac suat
dé chon duoc mot ngudi khong bi bénh tiéu duong 1a bao nhiéu? (két qua lam tron dén hang phan tram)
Traloi: ....................
Loi giai
Pap an:
Xét cac bién co:
A "Chon duoc ngudi khdng bj bénh tiéu duong™;
B : "Chon dugc ngudi cao tudi la nam™;
B : "Chon duoc ngudi cao tudi la nir".
Tur gia thiét, ta co: P(B):%:O,sz; P(AIB)=1-0,4=0,6;

P(E):@ZOAS; P(AIB)=1-0,55=0,45.
500

Theo cdng thirc x4c suat toan phan, ta co:

P(A)=P(B).P(AIB)+P(B).P(AIB)=0,52.0,6+0,48.0,45=0,528 ~ 0,53.
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Vay xac suat dé chon dugc mot ngudi khéng bi bénh tiéu duong 1a 0,53.
Cau4. Trong khong gian Oxyz, cho mat phing (a):x+y-2z+2=0 va hai diém A(2;0;1),
B(L12). Goi d 1a dudng thing ndm trong (o) va cit dudng thang AB, thoa médn goc giira hai duong

thang AB va d bing goc gilta duong thing AB va mit phang (). Khodng céch tir diém A dén duong

thang d bing #, VGi a,beZ va % la phan sd thi gian. Tinh a+b.
Lo giai
Goi A’ 4 hinh chiéu cua A(Z;O;l) Ién (a).
Tacd Be(a).Goi d la dudng thang nim trong (o) va cit duong thang AB, théa man goc giita hai

duong thing AB va d bing géc giita dudng thing AB va mit phing ()
Khido d=AB=d(Ad)=d(A(a))=

=a=1b=3=a+b=4

Cau 5. Trong khdng gian Oxyz ( mdi don vi trong hé toa d twong tng 1m), c6 doan thiang ding PQ
v6i: P(4;3:0),Q(4;3;6). Anh sang song song theo huéng cua vecto V = (—2;1;—2) chiéu vao doan thang
PQ, tao bong 1a hai doan thaing Q'Q” va PQ" (Q'Q” nam trén mit phang Oyz va PQ’' nam trén mat
phiang Oxy nhu hinh v§). Hay tinh tong d dai doan chiéu bong PQ""+Q'Q" (lam tron két qua dén hang

phan muoi cua mét)

Zh
e .Q
1 T [
©
[ [ |
> : ’\.
P
Traloi: ..o,
Loi giai
Pap an: 6,9

Két qua 1a mot bong gdy khic, duoc xac dinh bang cach xét tia sang di qua diém Q.
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X=4-2t

- Phuong trinh tham sb ctia duong thing g qua Q: g:{y=3+t (teR)
7=6-2t

- Giao diém Q' cta g V&i mit phang x =0 (mat phang yOz): 4—-2t=0=1t=2

Thay vao: Q'(0;5;2)

- Hinh chiéu vuong goc cua Q' xudng truc Oy :

Diéu kién trén tryc Oy:x =0,z =0, giit nguyén y =5

Nén Q"'(0;5;0)

Khi dé: PQ"+Q'Q"=+42+22+22 +2=2+26 ~6,9m

Cau 6. Trong mot bé hinh lap phuong canh 1m c6 chira mot it nude. Nguoi ta dat day bé nghiéng so
VGi mat phang nam ngang. Biét rang, lac d6 mat nudc ¢6 dang hinh binh hanh ABCD va khoang céch tir

cac diém A, C dén day bé twong tng 1a 25cm, 75cm.

1m

1m
Pé goc gitra mat nudc va mat day bé dat gid tri nho nhat thi khoang céch tir diém B dén mit day bé bang

bao nhiéu centimét?

Traloi: ...coovveeevee.. ..
Loi giai
Pap an: 50
l
i c
By
i D
AL oy Y
0

xr

Chon hé truc toa do (don vi trén mdi truc la centimét) sao cho cac canh cta hinh hop triing

véi cac truc toa do nhu hinh trén.

Do hinh hinh hgp c6 kich thude day 1a Imx1m nén A(100;0;25), B(0;0;b), C(0;100;75).
Ta c6: AB =(-100;0;b—25) va AC =(-100;100;50).

Nen nec) =| AB, AC | =(2500-100b; 7500—100b; ~10000) =100( 25— b; 75— b; ~100) .
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D¢ goc giira mat nuoc va mat day bé dat gid tri nho nhat thi cos((ABC),(Oxy)) dat gi tri I6n nhat.

- - Kk
Khi d6 cos((ABC),(Oxy)) :‘COS(n(ABC),k)‘ :M.
o=
_ 100 _ 100
J(25-b)" +(75-bY’ +(~100)°  \/2b” -200b+16250
D& cos((ABC),(Oxy)) = 100 dat gié tri 16n nhat

267 —200b +16250
thi biéu thuc P = 2b? — 200b +16250 dat gia tri nho nhat.
D& thay biéu thuc P =2b? —200b +16250 1a mot ham s6 bac hai nén dat gi tri nho nhat 1a P =11250

22

tai b="50 hay gia tri cos((ABC),(Oxy)) dat gia tri lon nhét la = khi b =50.

Vay khoang cach tir diém B dén mat d4y bé bang 50cm
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PE ON KIEM TRA KI 2
Nam hoc 2025 - 2026
TOAN 12 (Dung cho 3 bd sach)
Thoi gian 90 phut

Trac nghiém gom 3 phan

PE SO 10
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lya chon. M3i ciu héi thi sinh chi chon mét
phuong an.

Cau 1. Khang dinh nao duéi day dung?

x+1 x+1

A, j 2025 dx = 202, ¢ B. j 2025 dx = 2025, ¢
X+1 In 2025

C. j 2025 dx = 2025%.In 2025+ C . D. j 2025 dx = 222 ¢
In 2025

1 3 3
Cau2. Chohamsd f(x) lién tuc trén R thoa mén [ f(x)dx=2 va [ f(x)dx=7. Khido | f(x)dx
0 0 1

bang
A. -9. B.9. C. -5. D.5.

Cau 3. Dién tich phan gach soc trong hinh vé& bang:

Y= ot e —2

&

A j_ls‘—xz—Zx—B‘dx. B. j_ls(xz—Zx—B)dx. C. j_ls(x2+2x—3)dx. D. j_ls(—xz—2x+3)dx.

Cau 4. Tinh dién tich hinh phing giéi han bai cac duong y = x*+5,y =6x,x=0,x=1.

B. ! C. 8 D.
3 3

A

w| b
w| o

Cau 5. Cho hinh phang (H) gi6i han boi d thi y=2x—x* va truc hoanh. Thé tich vt thé tron xoay
sinh ra khi cho (H ) quay quanh truc hoanh bang

167 iy

A2 . A
15 3

L= B.
15

w| b
O
O
|
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Cau6. Cho (H) Ila hinh phang duoc t6 dam trong hinh V& va duoc gidi han boi cac duong

y:x—lxs, y=0, x=0, x=+2.

Thé tich khoi tron xoay khi cho hinh phing (H) quay quanh truc Ox dugc tinh theo ¢dng thirc nao sau

day?
J.(X——ij dx . B.VZﬂ'J.(X——ij dx .
0 2 0 2

A. V
B B
C.V:ﬂ,'J.(X——ijdX. D.V:J.(x——xﬂdx.

0 2 5 2

Cau 7. Cho haibiéncé A va B c6 P(B)=0,4 va P(AB)=0,1. Tinh P(A|B)
AL B. 1. c.t p. 1.
3 2 4 5
Cau8. Cho A, B la hai bién cd. Biét P(B)=0,2. Néu B khong xay ra thi thi 16 A xay ra la 2%.
Néu B xayrathitilé A xayra 4% . X4c suat cia bién cd Ala bao nhiéu?
A. 0,018. B. 0,036. C. 0,028. D. 0,024 .
Cau 9. Trong khong gian Oxyz cho tam gidc ABC déu véi A(6;0;0), B(0;y;0) va C(0;0;z). Goi |
13 tAm dudng trdn ndi tiép tam giac ABC . Tinh khoang cach Ol
A. Ol =2V2. B. Ol =32. C. Ol =3. D. Ol =24/3.
X=-1+t
Cau 10. Trong khdng gian Oxyz , hai duong thing d : x-1_y+2_ Z;4 vad:iy=-t (teR)co
z2=-2+3t
D. cit nhau.

vi tri tuong d6i 1a:
A.tring nhau. B.song song. C. chéo nhau.
Cau 11. Trong khdng gian Oxyz, cho diém M (2;-2;1) va mit phang (P):2x—3y—z+1=0. Duong

thang di qua M va vudng goc véi (P) c6 phuong trinh la:
X=2+2t X=2+2t X=2+2t X=2+2t
A Jy=2-3t. B.iy=-2-3t. C.iy=-2+3t. D.<y=-3-2t.
z=1-t z=1-t z=1+t z=-1+t
Trang 2
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Cau 12. Trong khdng gian Oxyz, cho mat phang (a):2x —y +2z —-1=0; (8): x+2y -2z —3=0.
Cosin gdc giira mét phing () va mat phang () bang:

Al B 2 c

D __4
9 9 33 "33

PHAN II. (4 diém) Cau triac nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.

Caul. Gia s rang khi ting t nim tudi, mot mdy cong nghiép A tao ra doanh thu véi téc do
R'(t)=650—3t* (triéu dong/nam), thoi di€m t=0 tinh tir lac may A bt dau hoat dong. Biét rang chi
phi bién cho van hanh va béo tri [a C'(t) =48+12t* (triéu dong/nam), ¢ day C (t) la chi phi van hanh va

bao tri cia may A khi né duoc t nim tudi.
12

a) Doanh thu sau 12 nam cta may A la 1(650 —3t? )dt (tridu dong).
0

b) Tong chi phi van hanh va bao tri cia may A trong 6 ndm la 1152 (triéu dong).

¢) Tudi tho hiru ich cia mot may 14 s6 naim T trudce khi loi nhuan (bang doanh thu trir chi phi) ma né tao
ra bat dau giam. Tudi thi hitu ich ctia may A 1a 8 nam.

d) Loi nhuan do may A tao ra trong sudt thoi gian tudi tho hiru ich ctia né 1a 2532 (triéu dong).

Cau2. Chohamsd y= f(x), hamsd y= f'(x) c6 dd thi nhu hinh v& bén dudi.

vl

y= f'(z)

Biét f(-1) = —473, dién tich hinh phang (H,), (H,) lan luot bang 20 va 128.

5
a) Gia tri ctia [ f'(x)dx bang 148.

-1

b) Gia tri cia f(5) bing —%.

¢) Giatricua f(2) bang —4.
d) Dién tich hinh phing gi6i han boi cac duong y=f(x),y :—gxz +15x, tryc tung va duong thing

x =5 bang 6—25
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Cau 3. Trong cudc khao sat ngau nhién 600 hoc sinh vé viéc “thich hoc” hay “khdéng thich hoc” mon

toan. Két qua thong ké nhu sau: c¢6 400 hoc sinh tra 15i "thich hoc" va 200 hoc sinh tra 101 "khong thich
hoc". Thuc té cho thay ti 1¢ hoc sinh “gidi toan” trong tng véi nhitng cach tra 1oi "thich hoc" va "khdng
thich hoc" 1an lugt 14 70% va 10% .
Goi T 1a bién c¢b "Hoc sinh duoc phong vén tra 101 thich hoc mon toan".
Goi G la bién ¢ "Hoc sinh dugc phong van gioi toan".
oz 2 o= 1
a) Xac suat P(T):§ va P(T):g.
b) X4c sudt ¢6 diéu kien P(G|T)=0,3, P(G|T)=0,9.

c) Xac suat P(G)=0,5
d) Trong s6 nhitng ngudi duoc phong van gioi toan c6 80% nguoi da tra 1oi thich hoc mon toan khi dugc
phong van (két qud tinh theo phan tram dwoc Iam tron dén hang don vi).

x-1 y+1 z-
-1

Cau 4. Trong khdng gian véi hé toa dd Oxyz, cho dudng thing d : 2 va mit phang

(P):—x+2y+z-3=0.

a) Piém A(1;,-1-2) ndm trén duong thing d .

b) Mit phing (Q)song song véi dudng thang d va vudng goc véi mét phang (P) ¢6 mot vecto phép
tuyén 1a (L,1;-1).

c) Goc gitta duong thang d va mit phing (P) bang 30°.

d) Dudng thing A di qua diém M (-3;1;2), song song véi mit phing (P) va cat dudng thing d tai

diém N (a;b;c). Gidtri a+b+c bang 3.

PHAN III. (3 diém) CAu tric nghiém tra 1i ngin. M&i cAu héi thi sinh chi tra 1oi dap an.

Caul. Ong A c6 manh dat hinh chir nhat chiéu dai 16m, chiéu rong 6m. Ong A muén thiét ké manh
dat do thanh ba phan bai dudng cong hypebol (nhu hinh v&). Ong A du dinh trdng hoa & hai phan dat
dugc gidi han boi dudng cong hypebol va chiéu dai manh dat, phan dat con lai ong lat d4. Biét chi phi
trdng hoa 1a 150.000 ddng/Im? va lat da 1a 300.000 ddng/Im?. Tinh chi phi ma éng A bo ra dé hoan

thanh dyu dinh ctia minh, (don vi triéu dong, két qua 1am tron dén hang phan chuc).
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Cau 2. Mot qua bong bau duc theo quy dinh duoc sir dung trong giai bong bau duc qubc gia ¢ kich
thudc 28cm tir dau nay dén du kia va duong kinh 17cm & phan day nhat (quy dinh cho phép thay doi

mot chiit vé cac kich thude nay)

Hinh dang ctia mdt qua bong bau duc ¢ kich thudc noi trén ¢ thé duge tao thanh khi quay phan dién

tich hinh phiang gi6i han boi @6 thi ham s6 f(x)=ax’+bx+c, truc hoanh va cac dudng thang

X=-4;x=24,trong 46 x tinh bang cm. Thé tich (don vi: cm®, két qua 1am tron dén hang don vi) cia
qua bong bau duc c6 kich thudc noi trén bang bao nhiéu.

Traloi: ....................

Cau 3. Mot hop c6 20 vién bi tring va 10 vién bi den, cac vién bi c6 cung kich thudc va khdi lugng.
Ban Binh liy ngiu nhién mét vién bi trong hop, khong tra lai. Sau d6 ban An ldy ngau nhién mot vién bi

trong hop d6. Goi A 1a bién cb: “An lay duoc vién bi tring”; B 1a bién c6: “Binh liy dugc vién bi

tring”. Tinh P(A|§) (két qua 1am tron dén hang phan tram).

Traloi: ....................

Cau 4. Trong khdng gian Oxyz , mot vién dan duoc ban ra tir diém A(L2;3) va trong 3 gidy, dau dan
di vi van tée khong doi; vecto van tc (trén gidy) 1a v =(2;,1;5). Khi vién dan tring muc tiéu tai diém
B(-5;a;b) thi gia tri ctia biéu thic a+b bang bao nhiéu?

Traloi: ....................
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Caub. Taicac vitri M ¢ mot ho chira nwde (d€ trit nuwde sau d6 hat nude dua 1én mat dat tai di€ém

E). Mot kénh tran k dan nudc tr M dén A. Tirdiém T trén mat dat, mot miii khoan thong khi b duoc

khoan theo hudng cia véc to V = (1;1,—4)

ST,

Trong khong gian Oxyz ( mdi don vi trong hé toa do twong tng 100m), ta cd cac toa do:
M (8;12;—6), N(14:2;-10), A(1L0;-9), T(8;2;0). Hoi chiéu dai mii khoan can 1a bao nhiéu mét?
(1am tron két qua dén hang don vi)

Traloi: ...,

Céau 6. Trong hé truc Oxyz cho trudc (don vi trén truc 1a mét), cho mot tram thu phat song 5G c6 ban
kinh viing phu song ciia tram & ngudng 600m duogc dat & vi tri 1(200;450;60). Tim gi tri l6n nhat cua
m (lam tron dén hang don vi) d¢ mot nguoi dung dién thoai & vi tri A(m+100;m+370;0) c6 thé st

dung dich vu cta tram ndi trén.

Traloi: ..................
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LOT GIAI CHI TIET
PE SO 10
PHAN I. (3 diém) CAu tric nghiém nhiéu phwong an lwa chon. M3i ciu héi thi sinh chi chon mgt
phuong an.

Cau 1. Khang dinh nao duéi day dung?

x+1 x+1
A. j 2025 dx =292, ¢ B. j 2025 dx = 292 | ¢
X+1 In 2025
C. j 2025*dx = 2025%.In 2025+ C . D. j 2025%dx = 292", ¢
In 2025
Loi giai
Chon D.
. . , < a*
Ta c0 cong thic J'a dx = +C.
Ina
Do d6 j 2025%dx = 292", ¢
In 2025

1 3 3
Cau2. Chohamsd f(x) lién tuc trén R thoa mén [ f(x)dx=2 va [ f(x)dx=7. Khido | f(x)dx
0 0 1

bang
A. 9. B.9. C. -5. D. 5.
Loi giai
Chon D.

Ta co: Ef (x)dx :l' f (x)dx+j f (x)dx:jf (x)dx:i f (x)dx—i f(x)dx=7-2=5.

Cau 3. Dién tich phan gach soc trong hinh vé& bang:

by

y=x 4w —2

1 1 1 L
A [ J-x-2x-3dx. B[ (F-2x-3)dx. C.[ (+2x-3)dx.  D. [ (-x-2x+3)dx.
Loi giai
Chon D.
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f_ls[(—x +1)— (¢ +x-2) Jdx = j: (—x? —2x+3)dx

Cau 4. Tinh dién tich hinh phing gidi han boi cac dudng y = x? +5,y =6X,x=0,x=1.

c.® D,
3

A. B.

w| b
w|~
w| o

Loi giai
Chon B.

Phuong trinh hoanh d6 giao diém: x> +5=6x < x=5;x=1.
N X 7
Dién tich hinh phang cén tim: § = [|x* - 6x+5|dx = 3
0

Cau 5. Cho hinh phang (H) gi6i han boi d thi y=2x—x* va truc hoanh. Thé tich vt thé tron xoay

sinh ra khi cho (H) quay quanh truc hoanh bang

A.E. B.ﬁ. C.16—ﬂ. D.4—ﬂ.
15 3 15 3
Loi giai
Chon C.

Phuong trinh hoanh d6 giao diém ctia do thi y = 2x—x? va truc hoanh Ia

x=0

2x—x2:0<:{ .
X=2

Thé tich vat thé trdn xoay sinh ra khi cho (H) quay quanh truc hoanh la

\Y :ﬂj'(ZX—xz)zdx:lf—;T.

0

Cau6. Cho (H) Ila hinh phang duoc t6 dam trong hinh V& va duoc gidi han boi cac duong

y:x—%xs, y=0, x=0, x=+2.

Yy 1, 1
y=x— - N
2 1
0y
\\ / \ 1
N oy /
~ ] \ 1
o 1 . ! X
1
N
N 1 ! /
AN \ ! 4
SO D
\\\..//—’/

Thé tich khoi tron xoay khi cho hinh phing (H) quay quanh truc Ox dugc tinh theo ¢dng thirc nao sau

day?

A.V:J.(x——XSJ dx . B.VZﬂ'J.(X——ij dx .
2 A
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e 2o
C.V:ﬂ,'J.(X——ijdX. D.V:J.(x——xﬂdx.
0 2 5 2
L i giai
Chon B.

q q 201V
Thé tich cua vat thé la: V :7TJ. (X—Exsj dx .

0

Cau 7. Cho haibiéncd A va B c6 P(B)=0,4 va P(AB)=0,1. Tinh P(A|B)

Al B. L. c.t p. L.
3 2 4 5
Lo gii
Chon C.
Tacs P(AlB)—PlAB)_01 1
P(B) 04 4

Cau8. Cho A, B la hai bién co. Biét P(B)=0,2. Néu B khong xay ra thi thi 16 A xay ra la 2%.
Néu B xayrathitilé A xayra 4% . X4c suat cia bién cd Ala bao nhiéu?
A. 0,018. B. 0,036. C. 0,028. D. 0,024.
Loi giai
Chon D.
Taco: P(B)=0,2=P(B)=0,8.
Vi B xayrathiti ¢ A siyra 4% nén P(A|B)=0,04.
Tuong tu ta ciling co P(A|§) =0,02.
Theo cdng thirc x4c suat toan phan ta co:

P(A)=P(B).P(A|B)+P(B).P(A|B)=0,2.0,04+0,8.0,02=0,024.

Cau 9. Trong khong gian Oxyz cho tam gidc ABC déu véi A(6;0;0), B(0;y;0) va C(0;0;z). Goi |
13 tAm dudng trdn ndi tiép tam giac ABC . Tinh khoang cach Ol
A. Ol =2V2. B. 01 =3V2. C. Ol =3. D. Ol =24/3.
Loi giai
Chon D.

g . . [AB=BC AB?*=BC?* [6°+y* =y’ +7° y? =6
Do tam gidc ABC déu nén & =

=
AB=AC AB? = AC?

6°+y°=6°+17°
Xét truong hop y =z =6. Khi d6 B(0;6;0) va C(0;0;6)
Do tam gidc ABC déu nén tdm dudng tron ndi tiép ciing 12 trong tdm. Suy ra 1(2;2;2)

Vay khoang cach Ol =+/22+2% +2% =243
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Cac truong hop con lai cua Y,z déu tinh duge Ol =2+/3.

X=-1+t
Cau 10. Trong khéng gian Oxyz , hai dudng thang d : x—21 = lerz _Z ;4 vad:iy=-t (teR)co
z7=-2+3t
vi tri tuong d6i 1a:
A.tring nhau. B.song song. C. chéo nhau. D. cit nhau.
Loi giai

Chon D

d c6 VTCP u=(-2;1;3) vadiqua M (1;-2;4)

d' c6 VTCP u'=(L;-13) vadiqua M (-10;-2)

Tur d6 ta co

MM ' = (-2;2;-6)

[u,u]=(6;9;1)#0 va [u,u’].MM =0

Suyrad catd'.

Cau 11. Trong khdng gian Oxyz, cho diém M (2;-2;1) va mit phang (P):2x—3y—-z+1=0. Duong

thang di qua M va vudng goc véi (P) c6 phuong trinh la:

X=2+2t X=2+2t X=2+2t X=2+2t
A Jy=2-3t. B.iy=-2-3t. C.iy=-2+3t. D.<y=-3-2t.
z=1-t z=1-t z=1+t z=-1+t
Loi gidi
Chon B.

Goi d 1a duong thing di qua M va vudng goc véi (P).
Do d vudng géc véi (P) nén d c6 mot vecto chi phuong 1a 0 =(2;-3;-1).

X=2+2t
Viy phuong trinh cta duong thang d 1a: {y =-2-3t.
z=1-t

Cau 12. Trong khdng gian Oxyz, cho mit phang (a):2x -y +2z -1=0; (8): x+2y -2z —-3=0.

Cosin gdc giira mét phing () va mat phang () bang:

4 4 4 4
A= B. — C.— D. -———
9 9 33 33
Loi giai
Chon A

Goi n,,n,, 1an luot Ia vecto phap tuyén caa mat phang (a) va (B).

Taco E(Z; -1, 2); E(l; 2,-2).

https://www.facebook.com/truongngocvy8/ Trang 10


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333 093

Ap dung cong thirc:

Ny Ng| 2.1-1.2-2.2] 4
N Y PSR S O [ S

cos((),(B)) = ‘COS(E’ @)‘ -

nD(

PHAN II. (4 diém) Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.
Caul. Gia s rang khi ting t nim tudi, mot mdy cong nghiép A tao ra doanh thu véi téc do

R'(t)=650—3t* (triéu dong/nam), thoi diém t=0 tinh tir laic may A bt dau hoat dong. Biét rang chi
phi bién cho van hanh va béo tri [a C'(t) =48+12t* (triéu dong/nam), ¢ day C (t) la chi phi van hanh va

bao tri cia may A khi né duoc t nim tudi.
12

a) Doanh thu sau 12 nam cta may A la J’(650—3t2)dt (tridu dong).
0

b) Tong chi phi van hanh va bao tri cia may A trong 6 ndm la 1152 (triéu dong).
¢) Tudi tho hiru ich cia mot may 14 s6 naim T trudce khi loi nhuan (bang doanh thu trir chi phi) ma né tao
ra bat dau giam. Tudi thi hitu ich ctia may A 1a 8 nam.
d) Loi nhuan do may A tao ra trong sudt thoi gian tudi tho hiru ich ctia né 1a 2532 (triéu dong).
Loi giai
A. B. C. D.
PUNG PUNG SAl PUNG

a) bung b)Dlng c) Sai d)Dling
12

a)Doanh thu sau 12 ndm cua may A la J'(650 —3t? )dt (triéu dong).
0

b) Tong chi phi van hanh va bao tri ciia may A trong 6 nim:

O o

(48+12t")dt = (48t +4t°) =1152 (triéu dong).

c)Doanh thu cia may A sau t nim tudi dugc xac dinh:
R(t)=[R'(t)dt= (6503t )it = 650t —t° +C .

Tai thoi diém t =0 thi R(t)=0=C=0= R(t)=650t—t°.

Chi phi van hanh va bao tri cia may A khin6 duge . _ nam tudi dugc xac dinh:
C(t)=[(48+12" )it = 48t +4t° +C.

Tai thoi diém t =0 thi C(t)=0=C =0 = C(t) =48t +4t’.

= Ham biéu dién tudi tho hitu ich ciia mdy A: T (t)=R(t)-C (t)=-5t*+602t.
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. ] 2
Xét ham sb T (t) =-5t°+602t c6 T'(t)=-15t>+602=0<t== % .
Bang bién thién:
602
r |0 15 +oo
T 0 + 0 -

T bang bién thién, lgi nhuan cia may A bat dau giam tai thoi diém t = % ~ 6,34, do d6 tudi tho hiru

ich cia may A la khoang 6 nam.

d) Loi nhuin do mdy A tao ra trong sudt thoi gian tudi tho hitu ich cia né
(R'(t)-C'(t) dt =

Cau2. Chohamsd y= f(x), hamsd y= f'(x) c6 dd thi nhu hinh v& bén dudi.

O o

(—15t* +602)dt = 2532 (trigu dong).

O ey O

vl

y= f'(z)

Biét f(-1) = —473, dién tich hinh phang (H,), (H,) lan luot bang 20 va 128.

5
a) Gia tri ctia [ f'(x)dx bang 148.

-1

b) Gia tri ciia f(5) bing —%.

¢) Giatricua f(2) bang —4.

d) Dién tich hinh phing gi6i han boi cac duong y=f(x),y :—gxz +15x, tryc tung va duong thing

x =5 bang @
2
Loi giai
a) b) c) d)
SAl PUNG PUNG PUNG
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1 5
a) Dua vao dd thi ta c6: S, =20 nén [ f'(x)dx=20, S, =128 nén [ f'(x)dx=-128.
-1 1

5 1 5
Vay [ f'(x)dx=[ £'(x)dx+ [ f(x)dx =20-128=-108.
-1 -1 1

43

b) i F(X)dx = f (x)|°,= £ (8) - f(~1) =108 = f(5) =108+ f (~1) = —108+(—?j __4n

4
c) Xét f'(x) =a(x+1)(x-1)(x-5)

Sty = j f'(x)dx = j a(x+1)(x-1(x-5)dx = aj (x+1)(x =1 (x-5)dx = a.? =20=a=3.

-1

Suyra f'(x) =3(x+1)(x—1)(x—5) =3x>-15x* -3x+15.

= f(x):j f’(x)dx:j(3x3—15x2 —3x+15)dx:%x4—5x3—%x2+15x+C.

Ma f(—1)=—473:C=0: f(X)z%X4—5x3—gx2+15x.Vay f(2)=—4.
5 5

d) Taco: S :j (Ex“—st—Ex2 +15x]—(—§x2 +15x] dX=I§X4—5X3 dx:%.
o\ 4 2 2 0|4 2

Cau 3. Trong cudc khao sat ngau nhién 600 hoc sinh vé viéc “thich hoc” hay “khéng thich hoc” méon
toan. Két qua thong ké nhu sau: c¢6 400 hoc sinh tra 1i "thich hoc" va 200 hoc sinh tra 101 "khong thich
hoc". Thuc té cho thay ti 1¢ hoc sinh “gidi toan” trong tng véi nhitng cach tra 1oi "thich hoc" va "khdng
thich hoc" 1an lugt 1a 70% va 10% .
Goi T 1a bién c¢b "Hoc sinh duoc phong vén tra 101 thich hoc mon toan".
Goi G la bién ¢ "Hoc sinh dugc phong van gioi toan".

oz 2 o= 1
a) Xac suat P(T):§ va P(T):g.
b) X4c sudt ¢6 diéu kien P(G|T)=0,3, P(G|T)=0,9.

c) Xac suat P(G)=0,5

d) Trong s6 nhitng ngudi duoc phong van gioi toan c6 80% nguoi da tra 1oi thich hoc mon toan khi dugc

phong van (két qud tinh theo phan tram dwoc Iam tron dén hang don vi).

Loi gii
a) b) c) d)
PUNG SAl PUNG SAl
, 400 2 - 1
a) Tact: P(T)=——=2=P(T)=1-P(T)==
: (1) =%00 "3 (7) M=3
b) Theo d& bai ta co: P(G|T)=70%=0,7, P(G|T)=10%=0,1.
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¢) Taco: P(G)=P(GT)+P(GT)=P(G|T).P(T)+P(G|T)P(T) :0,7.§+0,1%=0,5

2
0,7.—=
B Taco: P(T16)—PUC)_PCIMP(T) 73 14 g3
P(G) P(G) 05 15
Cau 4. Trong khdng gian véi hé toa do Oxyz, cho dudng thing d : x=1_ y+11 _272 mit phing

(P):—x+2y+z-3=0.

a) Piém A(1;,-1-2) ndm trén duong thing d .

b) Mit phing (Q)song song véi dudng thang d va vudng goc véi mit phang (P) c6 mot vecto phép
tuyén 1a (L,1;-1).

c) Goc gitta duong thang d va mit phing (P) bang 30°.

d) Dudng thing A di qua diém M (-3;1;2), song song véi mit phing (P) va cat dudng thing d tai

diém N (a;b;c). Gidtri a+b+c bang 3.

Loi giai
a) b) c) d)
SAI PUNG PUNG SAI

x-1 y+1 z-2
-1

taco

a) Thay toa d6 diém AL-1 —2) vao phuong trinh duong thang d

1-1 -1+1 -2-2
= #
2 -1

. Véy diem A(L-1-2) khdng nam trén dudng thang d .

b) Vi mit phing (Q) song song Vvéi duong thang d va vudng goc véi mit phing (P) nén

- - ) o
T(Q) T(P) =N = |:n(P),Ud ] =(-3,-33)=-3(11-1).
N 1 ug
. 7 7 N YT
c) Goi a la géc giira duong thang d va mat phang (P). Taco sina = ‘q ‘ ‘q ‘ === a=30°.
Nep)|.|Ud

d) Duong thang A di qua diém M (=3;1;2), song song véi mit phang (P),
And =N (1+2t;-1-t;2+t),

MN =(4+2t;-2-t;t).
Vi A song song véi (P) nén MN L, = (4+2t)(-1)+(-2—t).2+t=0 <:>—3t:8<:>t:—%

Viy diém N(_E;E;_Ejj_ﬁj_ﬁz—_m
33" 3 3 3 3 3
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PHAN III. (3 diém) CAu trac nghiém tra loi ngan. Moi ciu héi thi sinh chi tra 1oi dap 4n.

Caul. Ong A c6 manh dat hinh chir nhat chiéu dai 16m, chiéu rong 6m. Ong A muén thiét ké manh
dat do thanh ba phan bai dudng cong hypebol (nhu hinh v&). Ong A du dinh trdng hoa & hai phan dat
dugc gidi han boi dudng cong hypebol va chiéu dai manh dat, phan dat con lai ong lat d4. Biét chi phi
trdng hoa 14 150.000 ddng/Im? va lat da 1a 300.000 ddng/Im?. Tinh chi phi ma éng A bo ra dé hoan

thanh dyu dinh ctia minh, (don vi triéu dong, két qua 1am tron dén hang phan chuc).

L7l

LGm

Loi giai
Pap an: 231

| [

Chon hé toa dd Oxy nhu hinh V&, don vi trén hé truc la mét.

2 2
Khi d6, hypebol c6 phuong trinh chinh téc 1a X—Z—;’—Z -1, (a>0,b>0).
a

2 2 2 2
1 0——1' 3 —8—:1:a2 =1 b? =8.

Ta thay hypebol di qua hai diém P(1;0), D(3;8) nén RACIE .
a a

2 2
Vay phuong trinh hypebol Ia XT —y? —1= y=+/8x*-8

Dién tich manh dit hinh chit nhat ABCD 1a S =6.16 =96 m?

https://www.facebook.com/truongngocvy8/ Trang 15


https://www.facebook.com/truongngocvy8/

Dé én kiém tra ki 2 -Toan 12 — Néim hoc 2025-2026 — C6 |¢i gidi chi tiét Truong Ngoc V§ 0978 333 093

Dién tich trong hoa (hai phan dit dugc giéi han boi dwong cong hypebol va chiéu dai manh dat) la

3
S, =4[ V8x* -8 ~38m’
1

Dién tich phan lat d41a S, =S — S, ~58m?

Tong chi phi ma éng A bo ra dé hoan thanh dy dinh caa minh 1a
0,15.5, +0,3.5, ~ 23,1 triéu ddng.

Két qua 1am tron dén hang phan chyc la 23,1 triéu

Chu y: Bai nay chon hé toa do Oxy nhu hinh nhu sau giai don gian hon

ye

L

Cau 2. Mot qua bong bau duc theo quy dinh duogc sir dung trong giai bong bau duc qubc gia cé kich
thudc 28cm tir dau nay dén du kia va duong kinh 17 cm & phan day nhat (quy dinh cho phép thay doi

mot chiit vé cac kich thude nay)

Hinh dang ctia mot qua bong bau duc co kich thudc ndi trén ¢ thé dugc tao thanh khi quay phan dién
tich hinh phiang gi6i han boi @6 thi ham s6 f(x)=ax’+bx+c, truc hoanh va cac dudng thang
Xx=-4;x=24,trong 46 x tinh bang cm. Thé tich (don vi: cm®, két qua 1am tron dén hang don vi) cia
qua bong bau duc ¢ kich thudc noi trén bang bao nhiéu.
Traloi: ....................

Léi giai
Pap an: 3390

Chon hé truc toa do Oxy sao cho parabol f(x)=ax*+bx+c cét truc hoanh tai cac diém (—4;0),
R A 40 17
(24; 0) va toa do dinh | (10;—?] .

ta c6 hé phuong trinh
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_1r

16a—4b+c=0 392
576a+24b+c=0 < bz—%
100a+10b+c=-= | 204
49

17 , 85 204
= X

Nén f(x)_@ 98x 29

Thé tich ctia qua bong bau duc 1a

24 24 2
v=r[[f(x)] dX:ﬂj[ixz —8—5X—ﬁ} ax =202847 3300 em?.
% 413927 98" 49 15

Cau 3. Mot hop c6 20 vién bi tring va 10 vién bi den, cac vién bi c6 cung kich thudc va khdi lugng.
Ban Binh liy ngiu nhién mét vién bi trong hop, khong tra lai. Sau d6 ban An ldy ngau nhién mot vién bi
trong hop d6. Goi A 1a bién cb: “An lay duoc vién bi tring”; B 1a bién cb: “Binh liy dugc vién bi

tring”. Tinh P(A|§) (két qua 1am tron dén hang phan tram).

Traloi cooooeeeevennnnn,
Loi gii

Pap an: 0,69

Néu B khdng xay ra tirc 12 Binh lay duoc bi den.

Khi d6 trong hop con lai 29 vién bi véi 20 vién bi trang va 9 vién bi den.

Viy P(A|§):§—gz0,69.

Cau 4. Trong khdng gian Oxyz, mot vién dan duoc ban ra tir diém A(L2;3) va trong 3 gidy, dau dan
di vi van tée khong doi; vecto van tc (trén gidy) 1a v =(2;,1;5). Khi vién dan tring muc tiéu tai diém

B(-5;a;b) thi gia tri cta biéu thiec a+b bang bao nhiéu?

Traloi: ...l
Loi gii
Pap an: -13
Xx=1+2t
Phuong trinh mé ta quy dao chuyén dong cua viendan la: {y =2+t (1).
z=3+5t
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Khi vién dan trdng muc tiéu tai diém B(-5;a;b)thi toa do cua diem B théa (1), tac la

5=1+2t t=-3 t=-3
a=2+t <<l{a=2+t ©oa=-1 = a+b=-13.
b=3+5t b=3+5t b=-12

Cau 5. Taicac vitri M c6 mdt hd chira nude (dé trir nude sau d6 hat nuwdc dua 18n mat dat tai diém
E). Mot kénh tran k dan nude tir M dén A. Tirdiém T trén mat dat, mot mii khoan thong khi b duoc

khoan theo hudng cua véc to V = (1,1, —4)

Trong khong gian Oxyz ( mdi don vi trong hé toa do twong ung 100m), ta cO cic toa do:
M(8;12;-6), N(14;2;-10), A(1L0;-9), T(8;2;0). Hoi chiéu dai miii khoan can 1a bao nhiéu mét?
(1am tron két qua dén hang don vi)
Traloi: ....................

Loi giai
Dap an: 849
-Kénhtran k tr M dén A: MA=(3;,-12;-3) =3(L;—4;-1).

X=8+t
Vay phuong trinh duong thang k:{y=12-4t (teR)
Z=—6-t

- Miii khoan b qua T, theo Vv = (11 -4):

X=8+s
Vay phuong trinh duong thing b:{y=2+s (seR)
Z=-4s

Giai hé 84+t =8+5,12-4t=2+5,—6-t=-4s=t=5=2.

Giao diém P(10;4;-8).

Chiéu dai cAn khoan tir T dén P: TP = 24/12 +12 + (-4)? = 2/18 = 6+/2 (don vi) 600+/2 m ~ 849m

Cau 6. Trong hé truc Oxyz cho trude (don vi trén truc la mét), cho mot tram thu phéat séng 5G c6 ban
kinh ving pha séng cua tram & ngudng 600m dugc dat ¢ vi tri | (200;450; 60). Tim gié trj 16n nhat cua
m (lam tron dén hang don vi) d¢ mot nguoi dung dién thoai & vi tri A(m+100;m+370;0) c6 thé st

dung dich vu cta tram ndi trén.
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Traloi: ..................

Loi giai

Pap an: 512

Dé mot nguoi dung dién thoai ¢ vi tri A(m+100;m+370;0) c6 thé st dung dich vu cua tram thu phat
séng 5G c6 ban kinh ving phi séng cua tram & ngudng 600m dwoc dat ¢ vi tri 1(200;450;60) thi
IA <600 < (m-100)” +(m—80)” +(-60)" <6002

180—-+/712400 180 ++/712400
> .

< 2m* —360m—340000<0 < <m< >

Vay gié tri I6n nhat cia m 1a ~512.

180++/712400
2
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