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Trong qud trinh suu tdm va bién soan, néu tai lidu c6 sai sot gi thi rat mong nhdn dwoc sy g6p y cia
quy thidy cd cung cic em hoc sinh! Xin chin thanh cam on!

PHAN 1. Cau tric nghiém véi nhiéu phwong an lya chon. Thi sinh trd 10i tie cdu 1 dén cdu 12. Méi céu
hoi, thi sinh chi chon mot phwong dn.

Cau 1:

Cau 6:

Cau 7:

Biét F(x) la mot nguyén ham ctia ham s§ f(x) trén K. Khang dinh nao duwéi day dung?
A. F(x):f(x),VxeK. B. F'(x):f(x),VxeK.
C. F’( ):f’(x),VxeK. D. f’(x):F(x),VxeK.

Néu j X)dx =2 thi f[4x— f(x)]dx bang
0

A. 4. B. 6. C. 10. D. 12.

Chohamso y=f (X) xac dinh va lién tuc trén doan [a;b] . Dién tich hinh phéng gidi han boi
d6 thi ham s6 y=f (X) , truc hoanh va hai duong thang x =a,x=b duoc tinh theo cong thtkc
nao duwdi day?

bf(x)dx.

Cho ham so f (X) co f (2) =-1f (3) =5c6 dao ham f'(X) lién tuc trén doan [2;3]. Khi d¢,

3
J' f'(x)dx bang
2

A. 4. B. 7. C. 9. D. 6.
Thé tich khdi tron xoay do hinh (H) giéi han boi d6 thi ham s6 Y = f(X), truc Ox va hai

A. i‘f(x)‘dx.

C. i‘f(x)‘dx. D. if(x)dx.

duong thang X=0,X=4 quay quanh truc Ox la:
0 4 4 4
A.V=7Z'jf2(X)dX. B. V:;zj|f(x)|dx. C. V=ﬂ_ff(x)dx. D. V=ﬂjf2(x)dx.
0 0 0

Ho nguyén ham ctia ham s6 f(x)= x(4x2 + 2) la

A. F(x):£(£+2x]+c. B. F(x):x4+2x2+C.
21 3
C. F(x)=4x4+x2+C. D. F(x)=x4+x2+C.

Dién tich hinh phang giéi han béi d6 thi ham s6 y = x* —3x?, truc hoanh va hai duong thang
X =-2;X =3 bang



A2 . 1L c D.12.
2 2 2

Cau 8: Mot vat chuyén dong voi van toc v(t) =1-2sin2t (m/s). Quang duong vat di chuyén trong

khoang thoi gian tir t = 0 (gidy) dén thoi diém t = 3% (gidy) duoc tinh theo cong thic:

A.s(t)= j‘(l 2sin 2t )dt. B. s(t)= j‘(l 23|n2t) dt.
C. s(t) = I}T (1—-2sin 2t)dt|. D. s(t) :v(%nJ—v(O).
Cau 9: Ménh dé nao sau day sai’
I X)dx = j dx+I (x)dx B. I[f(x)—g(x)]dx:jf(x)dx—_[g(x)dx.

C. | f(x).g(x)dx :j- f (x)dx.j-g (x)dx. D. j' f (x)dx :—'[ f (x)dx.

2
’, X_l a 7. \ a \ A A ATe .o \ M
Cau 10: Biét | ——dx=1+ 4|nB voi a,be Z va E la phan so toi gian thi 2a+b bang

D C—— T

1 X+3
A. 0. B. 13. C.14. D. -20.
o X+2 khi —3<x<-1 2 .
Cau 11: Cho ham so f(X): , ] thi I f (X) dx bang
X khix>-1 %
NS 5 28 2 b2
3 3 3 3

Cau 12: Cho hai ham s6 f (X) =ax’+bx*+cx—4 va g (X) =dx? +ex+2, (a, b,c,d,ecR).Biét rang d6
thi ham s y = f (X) vay=g (X) cit nhau tai 3 diém c6 hoanh dé6 lan lwot 1a —3; —1; 2. Hinh
phang gi6i han boi d6 thi hai ham s& da cho c6 dién tich bang
N 5. 19 ) 0.5

‘ 15 9 12 6

PHAN II. Céu tric nghiém dtng sai. Thi sinh trd 1oi tie cdu 1 dénn ciu 4. Trong mbi f a), b), c), d) 6 mbi ciu,

thi sinh chon diing hodc sai (dién diau X vao 6 chon)

Caul: Chohams6 f(x)=-4x+3.

Khang dinh Dung Sai

a) | Néu F(x) lamot nguyén ham cta f(x) thi F'(2)=-5.

b) F (x)=-2x*+3x la mdt nguyén ham caa f ().

¢) | Néu G(x) la mot nguyén ham cua f(x) va G(1)=2 thi G(2)=-1.

d) | Néu F(x) la mdt nguyén ham caa f (x) thi F(-x) la mot nguyén

ham cua f (— )

1
Cau2: Cho tich phan J. (x)dx=2 va If(x) dx=5. Goi F(x) la mdt nguyén ham ctua ham s&
3

f (x) trén doan [1, 4].
‘ Khang dinh Pung Sai
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b) iSf (x)dx =10.
© if(x)dx:7.
d) } -81

(f (x)—5x)dx:T.

Cau 3:

Cau 4:

Mot canh cOng cua toa nha c6 dang parabol gom hai phan: Phan lam ctra 16i vao la hinh chit
nhat ABCD, con lai la phan tuwong trang tri. Biét rang chiéu cao cong la
10 =9m,EF =6m, AB=4m. S, la dién tich phan canh ctta cta 16i vao hinh chi nhat, S, la
dién tich phan tueong trang tri.
7777777777777 I
o/ . \c
9m i
E A (5 B 'F
6 m
Khang dinh Ding Sai
a) Gia st parabol cé phuong trinh 1a y = f (x) thi dién tich canh
3
congla S :I f (x)dx..
23
b) Dién tich phan ctra vaola S, = 4[5 (m2 ) )
C) Dién tich phan tuwong trang trila S, =16 ( m? ) .
d) Gia st phan twong trang tri hai bén ctta vao can dp kinh
cuong lwe. Khi d6 dién tich kinh can dung 1a %(m2 ).
Mot chat diém A xuat phét tir O, chuyén dong thang véi van tdc bién thién theo thoi gian

boi quy luat v(t)= %tz +%t (mis)

13

, trong d6 t (gidy) la khoang thoi gian tinh tir lac A bat

dau chuyén dong. T trang thai nghi, mot chdt diém B cling xuét phat tir O, chuyén dong

thang cing huwéng véi A nhung cham hon 10 giay so véi A va cé gia toc bang a (m/sz) (ala

hang s8). Sau khi B xudt phat dugc 15 gidy thi dudi kip A.

Khang dinh

Dung

Sai

a)

Vg (t)=at

b)

Quang duong chat diém A di duoc trong 25 giay la % m.

€)

225a

Quang duong chat diém B di dwoc trong 15 giay la

m.




d) Van toc cuia B tai thoi diém dudi kip A la 25(m/s).

PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dén cdu 6.

Caul:

Cau 2:

Cau 3:

2 dx
B-/\/t -
e -l[(x+1)(2x+1)

Két qua: [ ]
Trinh bay:

=aln2+bIn3+cln5,(a;b;ceQ). Tinh gid tri a+b+c.

2x+5 khi x>1
3x*+4 khi x<1
man F(0)=2.T1'nh gid tri cta F(—1)+2F(2).

Cho ham s6 f (x) ={ . Gia st F(x) la nguyén ham cta f(X) trén R thoa

Trong dot hoi trai “Khi t6i 18” dwgc to chire tai treong THPT X, Poan trueong ¢ thyc hién
mot dy dn anh trung bay trén mot pano cé dang parabol nhu hinh vé dudi day:

A B
4m
D C.
4m

Biét rang Poan triedng sé yéu cau cac 16p g hinh du thi va dan 1én khu vic hinh chit nhat
ABCD, phan con lai sé duoc trang tri hoa van cho phu hop. Héi dién tich phan trang tri hoa
véan bé nhat 1a bao nhiéu mét vuong? (lam tron dén hang phin tram)

Két qua: ]

Trinh bay:




Cau 4:

Cau 5:

Cau 6:

Cho hinh (H) gi6i han béi d6 thi ham s6 y = g x*, cung tron cé phuong trinh y=+/4-x°

(v6i 0 < x <2)va truc hoanh (phan t6 dam trong hinh vé).

o

v/

/ 0 2
/

Biét thé tich cua khodi tron ‘xoay tao thanh khi quay (H) quanh truc hoanh Ia

la cdc phan s& tdi gian. Tinh

V= _a 3—%—E z, trong d6 a,b,c,d eN va E,E
b d b d

P=a+b+c+d.

Mot 6 to bat dau chuyén dong nhanh dan déu vdi van toc Vl(t) = 7t(m/ S). Di dwoc 5(8),
nguoi lai xe phat hién chudng ngai vat va phanh gap, 6 t6 ti€p tuc chuyén dong cham dan
déu vdi gia toc a= —70(m / SZ). Tinh quang duong S (M) di dwoc ctia 6 t0 tir ltc bat dau

chuyén banh cho dén khi ding han. (Két qud lam tron dén hang phiin chuc).

Két qua: [ ]

Trong chuong trinh nong thén méi, tai mot xa Y ¢ xay mot cdy cau bang bé tong nhw hinh
vé. Tinh thé tich khoi bé tong dé€ d6 du cay cau. .



Hué, 10h20” Ngay 30 thdang 11 nim 2024
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PHAN 1. Cau tric nghiém v6i nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mdi cdu
hoi, thi sinh chi chon mgt phwong dn.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Biét F(x) 1a mot nguyén ham ctia ham s f(x) trén K. Khing dinh nao dudi day ding?

A. F(x)zf(x),VxeK. B. F'( )=f( ),VxeK.

C. P'( )—f’( ),VxeK. D. f( )= ( ),VxeK.
Neuj dX 2 thi i[4x— f (X)]dx bgmg

A. 4. B. 6. C. 10. D. 12.
Loi giai

Ta c6 I[4x f(x)]dx= I4xdx If(x)dx:8—2:6.

Chohamso y=f (X) xac dinh va lién tuc trén doan [a;b] . Dién tich hinh phéng gidi han boi
d6 thi ham s8 y = f (X), truc hoanh va hai duong thang x=a,x=b duoc tinh theo cong thtkc

nao duwoi day?
b

B. If(x)dx.

a

b

C. I|f(x)|dx. D. If(x)dx.

a

A. T‘f(x)‘dx.

.....

Ap dung cong thtic tinh dién tich hinh phang giéi han béi d6 thi ham s§ y= f(X), truc
hoanh va hai dwong thing x=a,x=b: § =ﬁf(x) dx

Cho ham s& f(x) 6 f(2)=-1 f(3) =5céadao ham f'(x) lién tuc trén doan [2;3]. Khi d9,
ff f'(x)dx bang

2

A. 4. B. 7. C.9.

.....

Ta co: _[f’(x)dx: f(x)zz

Thé tich khdi tron xoay do hinh (H) giéi han boi d6 thi ham s6 Y = f(X), truc Ox va hai

IS
(op}

£(3)- f(2)=5-(-1)=6.

duong thang X=0,X=4 quay quanh truc Ox la:



Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

A.VZEJ-fZ(X)dX. B. V=7Z"1.|f(X)|dX. C. V:nIf(x)dx. D. szz;ffz(x)dx.

.....

Ap dung cong thitc tinh thé tich khéi tron xoay gidi han boi d6 thi ham sd y = f (X) , truc Ox
4
va hai duong thang x=0,x=4:V = 7Z'J.f2 (x)dx

Ho nguyén ham ctia ham s6 f(x)= x(4x2 + 2) la

A. F(x):£(4—363+2xJ+C. B. F(x):x4+2x2+C.
21 3

C. F( ):4x4+x2+C. D. F(x):x4+x2+C.

Loi giai:

Ta c6: If I(4x3+2x)dx=x4+x2+c.

Dién tich hinh phéng gioi han bdi d6 thi ham s6 y = x® —3x?, truc hoanh va hai duong théng
X=-2;X=3 béng

A2 . 1 c P D. 12.
4 4 4
Loi giai
3 2 ; 3 2 X' g ’ 75
S:UX —3x ‘dx:J'(x —3x )dx = 5> ) =

Mot vat chuyén dong véi van tdc v(t) =1-2sin2t (m/s). Quang duong vat di chuyén trong

khoang thoi gian tir t = 0 (gidy) dén thoi diém t = 37” (gidy) duoc tinh theo cong thitc:

A.s(t)= | (1-2sin2t)dt. B. s(t)=

D. s(t) = V(Bjj v(0).

(1-2sin 2t) dt.

R
o'—.n‘é‘“’

C. s(t)= j7(1—2sin 2t)dt] .

o

.....

Goi s(t)la quang duwong ma vat di chuyén trong khoang thoi gian tir t=0 (gidy) dén t= 3%

3
(gidy). Ma s'(t) = v(t) nén ta co s(t) = j04 (1—2sin 2t)dt .

Ménh dé nao sau day sai”’

j X)dx = j dx+I B. [f(x)—g(x)]dx:j.f(x)dx—j.g(x)dx

!
C. f(x)_g(x)dx:'tff(X)dX.Ig(X)dX. D. j‘ a

a

D — T

2
/, - 7. \ a \ A A A . \ M
Biét X—ldX:1+ 42 vei a,be Z va — la phan so t6i gian thi 2a+b bang
1 X+3 b b

A. 0. B. 13. C.14. D. -20.



.....

2

Ta co: x—_1d —I(l—ijdx (x—4|n(x+3))|2=1+4lnﬂ.
1x+3 1 X+3 1 5

Suyra a=4b=5=2a+b=24+5=13.

) X+2 khi —3<x<-1 3 .
Ciu 11: Chohams§ f(x)=1 , thi [ f(x)dx bing
X®  khix>-1 %
A3 B. 28 = p. %
3 3 3 3

Loi giai

: N N 28 28
Ta co: If(x)dx= f( dx+I dx_j(x+2 dx+jx2dx 0+ ?:?.

-3 -3 -3

o 28

Cau 12: Cho hai ham s§ f ()= ax’ +bx*+cx—4 va g (x)= dx® +ex+2, (a,b,c,d, ecR). Biét rang d6
thihamsd y=f (X) vay=g (X) cdt nhau tai 3 diém c6 hoanh d6 lan lwot 1a —3; —1; 2. Hinh
phang giéi han boi d6 thi hai ham s8 da cho c6 dién tich bang

A 316 . 19, o 289 p. 7
15 9 12 6
Loi giai

Xét phuong trinh hoanh d9 giao diém cuiaham s§ y = f (x) va y=g(x):
h(x)=ax’+(b—d)x*+(c—e)x-6=0.

Hamsd y=f(x) va y=g(x) cit nhau tai 3 diém cé hoanh d6 Ian luot 1 —3; —1; 2 nén
h(x)=a(x+3)(x+1)(x—2)=0.

Xét h(0)=-6<=a3.1(-2)=-6<a=1.

Vay ham s6: h(x)=(x+3)(x+1)(x-2)

Hmh phang g101 han boi d6 thi hai ham s& da cho c6 dién tich bang:

S= “h )| dx = “ (x+3)(x+1)(x—2)|= 23,

PHAN II. CAu tric nghlem duang sai. Thi sinh trd 10i tir cdu 1 dén cdu 4. Trong mdi i a), b), ¢), d) & moi cdu,
thi sinh chon diing hodc sai (dién didu X vao 6 chon)
Cdul: Chohamsd f(x)=-4x+3.

Khang dinh Ding | Sai
a) | Néu F(x) lamot nguyén ham cua f(x) thi F'(2)=-5.
b) | F(x)=-2x*+3x la mot nguyén ham cta f(x).
¢) | Néu G(x) lamot nguyén ham cta f(x) va G(1)=2 thi G(2)=-
d) | Néu F(x) la mdt nguyén ham caa f (x) thi F(-x) la mot nguyén

ham caa f(-x).

.....

‘ a) bung ‘ b) bung ‘ c) bung ‘ d) Sai




Cau 2:

Cau 3:

a) bung.

F'(X): f (X) suy ra F'(Z): f(2)z—4.2+3=—5.

b) bung.

F'(x):(—2x2+3x)' =—4x+3=f (x).

c) buang.

G(x)=jf(x)dx=I(—4x+3)dx=—2x2+3x+C.

G(1)=2 suyra C =1, suy ra G(x)=-2x"+3x+1.

Vay G(2)=-1.

d) Sai.

If(—x)dx:j(4x+3)dx:2x2+3x+C.

Ma F(x ):jf( )Jdx =—2x*+3x+C, suy ra F(—x):—2x2—3x+C¢If(—x)dx.
1

Cho tich phan J. (x)dx=2 va Jf(x) dx=5. Goi F(x) la mdt nguyén ham cua ham s&

3

f ( ) trén doan [1, 4]

Khang dinh Dung Sai
a) | F(4)-F(3)=2
b 3
) [5f(x)dx=10
4
4
° I f(x)dx=7
1
d p -
) I(f(x)—Sx)dx:il.
1 2
Loi giai
‘ a) bung ‘ b) Sai ‘ c) Sai ‘ d) Bung

a) bung. Ta cé: _[ f(x)dx=F(x)

3

g:F(4)—F(3):2.

b) Sai. Ta co: ij (x)dx:—5j1‘ f (x)dx=-10
4 3
3
¢) Sai. Ta cé: jf(x)dx [f(x dx+j X)dx =-5+2=-3.
1 1
, , 4 4 4 5, 4 _g1
d) Pting. Ta cé: .!'(f(x)—5x)dx:'1[ f (x)dx—{Sxdx:—3—§(x )1:7.

Mot canh c6ng cua toa nha c6 dang parabol gom hai phan: Phan lam ctra 16i vao la hinh ch
nhat ABCD, con lai la phan twong trang tri. Biét rang chiéu cao cong la
10 =9m,EF =6m, AB=4m. S, la dién tich phan canh ctta ctia 16i vao hinh chi nhat, S, la

dién tich phan tuong trang tri.



Khéng dinh Dung Sai

Gia st parabol cé phuong trinh 1a y = f (x) thi dién tich c4nh
3
congla S = I f (x)dx.

-3

b) | Dién tich phan cira vaola S, =4+/5(m’).
c) Dién tich phan tuong trang trila S, =16 ( m? ) :
d) Gia sit phan tuwong trang tri hai bén ctta vao can Op kinh
cuong lwe. Khi d6 dién tich kinh can dung 1a %(m2 ).
Loi giai:

‘ a) bung ‘ b) Sai ‘ c) bang ‘ d) Bung
a) Chon hé truc toa doOxy sao cho EF trung Ox, gbc toa d6 O . Khi d6 parabol c6 dinh
1a1(0;9)eOy; E(-3;0),F(3,0),A(-2;0),B(2;0).

AY
9

3[A B\3
E/ 2 O] 1 2 \F x
Suy ra parabol ¢6 dang y = f (x)=ax*+c(a=0). Vi parabol c6 dinh 1a 1(0;9) va di qua
diém F (3;0) nén phuwong trinh ctia parabol lay = f (x)=-x*+9 = C(2;5); D(-2;5).

3 =36(m?)

-3

3 3 3
Dién tich ctia canh congla S = J f(x)dx= I(g— Xz)dx = (%‘i‘QXj

-3 -3

Vay a) dung.
b) Chiéu cao ctia ctra 1aCB = DA = f (2) =5(m), chiéu ngang ctia ctra 1a AB =4(m)

Dién tich phan cénh cira la S, = AB.BC =4.5=20(m")
Vay b) sai.



c) Dién tich phan tuong trang trila S, =S-S5, =36-20= 16(m2 ) .

Vay c) dung.
2

d) Dién tich phén tudng hai bén cira ding 8p kinh Ia S, =S — [ (9—x* ) dx :% (m?).
-2

Vay d) dung.

Cau4: Mot chat diém A xuat phat tir O, chuyén dong thang véi van t8c bién thién theo thoi gian
boi quy luat v(t) = %tz +%t (m/s), trong d6 t (gidy) la khoang thoi gian tinh tir luc A bat
dau chuyén dong. Tu trang thai nghi, mot chat diém B cling xuat phat tir O, chuyén dong
thang cling huwéng v6i A nhung cham hon 10 gidy so véi A va c6 gia tdc bang a (m/SZ) (ala

hﬁ”ing s0). Sau khi B xuat phat dwoc 15 giay thi dudi kip A.

Khang dinh Dung Sai

a) Vg (t)=at.
b) ~ . Ny i . Y

Quang duong chat diém A di dwoc trong 25 giay la > m.
) Quaéng duong chat diém B di duoc trong 15 gidy la 2252 m.
d) Van toc ctia B tai thoi diém dudi kip A la 25(m/s).
Loi giai:

‘ a) bung ‘ b) bung ‘ c) bung ‘ d) bung ‘

a) bung.
Ta c6 vB(t):J'adt:at+C, V(0)=0=>C=0=v4(t)=at.
Vay a) dung.
b) bung.

Quang duwong chat diém A di duoc trong 25 giay 1a

25 25
S, = I (itz e ]dt =(it3 +Et2j _3n
> \100 30 3000 60 Jjo 2
Vay b) dung.
c) bung.
Quang duwong chat diém B di dwoc trong 15 giay 1a
15 2 |15
S, = [ atdt = ar;m_2za
0 2 o 2
Vay c) dung.
d) bung.
, 375 225a 5
TacO —=——a=—.
2 2 3

Van t6c ctia B tai thoi diém dudi kip A 1a v, (15) = 2 15=25(m’s).

‘ Vay d) ding
PHAN III. Cau trac nghiém tra 10i ngan. Thi sinh trd 10 tie cdu 1 dén cdu 6.
2
Caul: Biét IL =aln2+bIn3+cln5,(a;b;ceQ). Tinh gid tri a+b+c.
1 (x+1)(2x+1)



Trinh bay:

Loi gigi

h dx of 2 1 1
Ta c6: = - dx=2.=In|2x+1]|? -1 :
e -l[(x+1)(2x+l) -[(2x+1 x+1) " 2n| i -inf+ 3

=In(2x+1)|; —=In(x+1)|; =In5-In3—(In3-In2) =In2-2In3+In5.
Do dé: a=1b=-2;c=1.
Vay a+b+c=1+(-2)+1=0.
2x+5 khi x>1
3x*+4 khi x<1
man F(0)=2.T1'nh gid tri cta F(—1)+2F(2).

Cdu2: Cho ham s6 f(x) ={ . Gia st F(x) la nguyén ham cta f(x) trén R thoa

Trinh bay
Loi giai
2x+5 khi x>1 x* +5x+C, khi x>1
Taco: f(x)= ) i = F(x)= ] .
3x* +4 khi x<1 x*+4x+C, khi x<1

X* +5x+C, khi x>1
X +4x+2 khi x<1

Ham s§ lién tuc trén R < lim f (x)=lim f (x)

Vi F(0)=2=C,=2= F(x):{

x—1" x—=1"
: 2 i 3
<:>1|£1(x +5x+C, )_lLT(X +4x+2)
<1+5+C, =1+4+2
<C =1

x*+5x+1 khi x>1
= F(x)= _ .

x> +4x+2 khi x<1
Vay F(=1)+2F (2)=-3+2.15=27.

Cau3: Trong dot hoi trai “Khi t6i 18” duoc t6 chiic tai truong THPT X, Poan truong cé thuc hién
mot du 4n anh trung bay trén mot pano c6 dang parabol nhu hinh vé dwéi day:



4m

D C

4m
Biét rang Poan triedong sé yéu cau cac 16p ghi hinh du thi va dan 1én khu vic hinh chit nhat
ABCD, phan con lai sé duoc trang tri hoa van cho phut hop. Hoi dién tich phan trang tri hoa
van bé nhat 1a bao nhiéu mét vuong? (lam tron dén hang phin tram)
Két qua: 4,51
Trinh bay:
Loi giai:
Chon hé truc toa d§ nhu hinh vé, khi d6 phwong trinh dwong parabol cé dang: y = ax’+b.

\Y
{ B
4m
pl 19 ic '
> 3 >
> 4m =

Parabol cit truc tung tai diém (0;4) va cat truc hoanh tai (2;0) nén:

b=4 a=-1
= )
a2’+b=0 b=4

Do d6, phuwong trinh parabol 1a y =-X*+4.
Dién tich hinh phang gi6i han boi duwdong parabol va truc hoanh la:

2 3 2
s, = [(-x2+4)dx=| -X 4] _3
1_j2(x+)x[3+x_2 :

Goi C(;0) = B(t;4—t*) véi 0<t<2.
Tacé CD =2t va BC=4-t°,
Dién tich hinh chit nhat ABCD 1a S, =CD.BC =2t.(4—t2) =-2t>+8t.

Dién tich phan trang tri hoa vanla: S=S, -S, = % - (—Zt3 +8t) =2t° -8t + 3—32 .



Cau 4:

Xét ham sG f(t):2t3—8t+3—32 véi 0<t<2.

2
t=—¢€(0;2
4 [ 2 \/§ ( )
Taco: f'(t)=6t"-8=0 < ) .
t=——7¢(0;2
22 (02)
Bang bién thién:
2
x 0 E 2
Sf(x) - 0 +
fx) \ 96—32\'{5 /
9
s 96-3243
Nhu vay, dién tich phan trang tri nho nhat la bang —\/— m? ~ 4,51m?>.

Cho hinh (H) gidi han béi d6 thi ham s6 y = ? x%, cung tron ¢ phuong trinh y =+/4-x*

(v6i 0 < x <2)va truc hoanh (phan t6 dam trong hinh vé).

o

Vs

r/'
/

Biét thé tich ctia khéi tron .xoay tao thanh khi quay (H) quanh truc hoanh Ia

V:(—E 3+£j;[, trong do6 a,b,c,d eN" va E,C
b d b

P=a+b+c+d.
Két qua:
Trinh bay:

d

la cac phan sd t6i gian. Tinh

Phuong trinh hoanh d¢ giao diém: g X =\4-x* < x=+3



Cau 5:

Cau 6:

=a=20,b=7,c=16,d =3

=P=a+b+c+d=46.

Mot & t6 bat dau chuyén dong nhanh dan déu véi van tdc v, (t)=7t(m/s). Di duoc 5(s),
nguoi 1ai xe phat hién chudng ngai vat va phanh gap, 6 t6 ti€p tuc chuyén dong cham dan
déu véi gia tc a=-70(m/s’). Tinh quing dwong S (M) di dwoc cta 6 6 tir lic bat dau
chuyén banh cho dén khi dimg han. (Két qua lam tron déi hang phiin chuc).

Két qua: 96,3

Trinh bay:

Loi giai:
Quéng duong 6 to di duoc tir ltic xe 1dn banh dén khi dwgc phanh:
5 5 12 5
S, =|v(t)dt=|7tdt =7— =87,5(m).
1= [uod=] 2|,

Van tdc V,(t) (m/s) ctia 6 to tlt lic dugc phanh dén khi dimg han thoa man
V,(t) = j(—?O)dt: —70t+C, v,(5) =V,(5) =35=C =385. Vay v,(t) =-70t+385.

Thoi diém xe diing han tuwong tng véi t thod man V,(t) =0 <>t =5,5(s).
Quang duong 6 to di duoc tlr ltc xe dwge phanh dén khi dimng han:

55 55
S, = j v, (t)dt = j (~70t +385)dt =8, 75 (m).
5 5
Quang duong can tinh S =S, +S, = 96,3 (m).

Trong chuong trinh nong thdn méi, tai mot xa Y ¢ xay mot cdy cau bang bé tong nhu hinh
vé. Tinh thé tich khoi bé tong dé€ d6 du cay cau. .




Két qua
Trinh bay:

Loi giai:

Chon hé truc Oxy nhw hinh vé bén dwdi:

~
0, s5m 19 m 0, Hm

Goi (R):y=ax*+b, 1a Parabol di qua hai diém A(%;O), B(0;2)
19 8
Nén ta cé hé phwong trinh sau: O_a'(?j 2 = ai__ﬁ =(R): yz—ixz+2.
361
2=b b,=2
Goi (R):y= a,X* +b, 1a Parabol di qua hai diém C(10;0), D(O; g)
0=a2.(10)2+E a, __ L 1 5
Neén ta c6 hé phuwong trinh sau: 2 = 40 =(P,): y=——X+=.
5_y _E 40 2
2 2

19
Ta c6 thé tich cua bé tong la: V =5.2 (——X +— _[ ——X +2 [dx [=40m°.
0 361

Hué, 10h20’ Ngay 30 thang 11 ndim 2024
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116/04 Nguyén L6 Trach, TP Hué Trunﬁ tdm Km10- Huong Tra — Hué

Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y cia
quy thay cd cung cdc em hoc sinh! Xin chan thanh cam on!

PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Caul:

Cau 2:

Cau 3:

Cau 4:

Cho ham s6 y = f(x) lién tuc trén R. Khang dinh nao dudi day ding?

A. [Kf(x)dx =k[ f(x)dx, ke R. B. [xf(x)dx=x[ f(x)dx

C. [ f(kx)dx=k[ f(x)dx,keR. D. [Kf (x)dx =k f(x)dx,k e R\{0}.

Cho céc so thuc a,b (a< b) vaham sd y=f (X) co f (X), f'(X) 1a cdc ham soO lién tuc trén

R . Pang thttc nao dudi day dung?

A.if(x)dx=f’(a)—f'(b). B. [ £'(x)ix=f (a)- f (b).
C.j'f(x)dx=f'(b)—f’(a). D. [ "(xgx=f (b)-1 (2).

Choham s y=f (X) lién tuc trén doan [1; 3] . Dlen tich hinh phang gi6i han boi d6 thi ham

oy — ,:,.m'—.c—

s8 y = f(x), truc hoanh va céc duong thang x=1,x=3 1a
3 3 1
A. S:ﬂf(x)‘dx. B. S:If(x)dx. C.S= —J' x)dx.  D. S:'Hf(x)‘dx.
1 1 3
Choham s& y = f (x) lién tuc, khong 4m trén doan [a; b] nhuw hinh bén dwéi:

YA

i

Hinh phang (H) giéi han boi d6 thi ham s§ y = f (), truc hoanh va hai dwong thing x=a;
x=b quay quanh truc Ox tao thanh mot khdi tron xoay c6 thé tich bang

AV :n_:[[f (x)]zdx. B.V :T|f (x)dx.  C.V :T[f (x)]2 dx. D.V :n_T[f (x)]zdx.



Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Khang dinh nao duwéi day sai?

n+1

A. jx”dx= ad +C,n#-1. B. Ie"dx:e" +C.
n+1
1 1 1
C. J.Fdxzz'i‘c. D. J‘;dlen|3(f|+c

Choham s@ y = f(x)lién tuc trén R va cd d6 thi nhu hinh vé bén duéi:

() SI l\ £

4
Biét rang cac dién tich S, S, thoa man S, =2S, =3. Tinh I f (x)dx.
0

A. 3. B. § C.—§. D. g

2 2 2
Cho mot vat thé gidi han boi hai mat phe&mg vuong goc voi truc OX tai cac diém cd hoanh do
Xx=-1 va x=1. Mot mat phéng vudng goc vai truc OX tai X (—13 X< 1) cit vat thé dé theo

mot mt cit 1 hinh vudng c6 canh bing v/1-x* . Thé tich ctia vat thé d6 bing
AL B. 2T c. 8 p. &
5 5 5 5

Gia st mot chat diém chuyén dong véi gia toc tai thoi diém t (gidy) duoc xac dinh bdi cong
thie a(t)=2t—1( m/s?). Biét ring van téc cla chat diém tai thoi diém ban dau la

Vo =2( m/s). Van t8c cua chat diém do tai thoi diém t (giay) la

A v(t)=2t"-t+2(m/s). B. v(t)=t*—t+2( m/s).
C.v(t)=2t"-t(m/s). D. v(t)=t’—t( m/s).
Bié%I3X+7dx:ax+bln|x+2|+C,(a;b;C € R).Tinh a+b.

X+2
A. 3. B. 5. C.4. D. 6.

2 5 5
Néu [ f(x)dx=-1va [ f(x)dx=3 thi [-2f (x)dx bing
1 2 1

A. 2. B. 4. C. 4. D. 2.
2x*—x khi x<0

Cho ham s& f(x):{sinx chi x>0

. Tinh tich phan [ f(x)dx.
-1

. B. c -2 p. 2.

6 6 6
Chohamso y=f (X) la ham da thitc bac bon va c6 d6 thi nhw hinh vé bén dwdi:

oo



-2 -1 0 1 X

Hinh phing gi6i han boi d thi hai ham s8 y = f (x), y = f'(X) c6 dién tich bang

= . 107 o p. 121

T 40° 5 40 110
PHAN II. Cau trac nghiém dang sai. Thi sinh tra 1oi tie cdu 1 dén ciu 4. Trong mdi y a), b), ¢), d) 6 mdi ciu,
thi sinh chon diing hodc sai (dién diau X vao 6 chon)

2 5
Caul: Cho [ f(x)dx=10va [ f(x)dx=3.
-1 2
Khang dinh Dung Sai
a) | %
J. f (x)dx=-10
2
b 2
: [2f (x)dx=12.
-1
o) | ¢
[[2f (x)+1]dx=15.
-1
d |3

If(x)dx:13.

-1

Cau2: Gia st chi phi mua va bao tri mdt thiét bi trong © ndm c6 thé duwoc mo hinh hoéa theo cong

x 1
thiec C = 5000(25+ 3j t4dtJ .
0

Khang dinh Dung Sai
a) | Chi phi mua 1 san pham la 100000 d6ng.
b) | Chi phi bao tri nam dau tién cta 1 san pham la 12000 dong.
c) | Sau 6,5 ndm thi s8 tién mua mot san phdm béng so tién bao
tri san pham do.
d) | Néu mét nha dau tw ¢6 10 triéu, thi ho c6 thé mua va bao tri
t0i da 30 san phdm trong 10 nam.
Cau3: Chohamsd f(x)=x’+ax*+bx, véi a, b 1a céc s& thuc. Biét ham s y = f'(X) c6 d6 thi nhw

hinh vé bén dudi. Goi (D) 1a hinh phang giéi han boi do thi ham s§ y = f'(X) va truc hoanh.




ISCEBTHERD!

Khéng dinh Dung Sai

a) 4
'(0)=0 va f| = |=0.

b) | f'(x)=3x"-4x.

Dién tich ctia hinh phéng (D) la % (dvdt).

d) | Khi quay hinh phing (D) quanh truc hoanh Ox ta dwoc khéi

ST vt
405
Cau4: Tai mot khu di tich vao ngay 18 hoi hﬁlng nam, toc d¢ thay doi lwong khach tham quan dugc

biéu dién bang ham sd Q'(t)=4t>—72t*+288t, trong d6 t tinh bang gio (0<t<13),

tron xoay c¢6 thé tich la

Q'(t)tinh bang khach/gio. Ngudn: R.Larson and B. Eawads, Calculus 10e, Cengage).
Sau 2 gio da c¢6 500 nguoi c6 mat.
Khang dinh Dung Sai
a) | Luong khach tham quan duwoc biéu dién boi ham s&
Q(t) =t"—24t> +144t*.
b) | Sau 5 gio luong khach tham quan la 1325 nguoi.
c) | Luong khach tham quan 16n nhat 1a 1296 nguoi.
d) | T6c do thay d6i lwgng khach tham quan 16n nhat tai thoi diém

t=6.
PHAN II1. CAu tric nghiém tra 10i ngin. Thi sinh trd 10i tir cdu 1 déh cdu 6.
Caul: Goi F(x)= (ax3 +bx* +cx+d )eX la mot nguyén ham cia ham  sO

f (x):(2x3 +9x? —2x+5)eX . Tinh a? +b?+c? +d?2.
Két qua: ]
Trinh bay:

Cau2: Chohams6 y= f(X) lién tuc trén khoang (0;+) va c6 bang bién thién nhw sau



Cau 3:

Cau 4:

! 0 2 3 5 +0¢
y' 0 - 0 + B -
AL f(5)
U / / \
—0X I x

5
Biét rang [|f'(x)|dx=5. Tinh f (5).

2
Két qua: ]
Trinh bay:

Biét F(x) va G(x) la hai nguyén ham cua ham s8 f(x) tén R va

.[f (x)dx=F(3)-G(0)+a,(a>0). Goi S la dién tich hinh phéang giéi han boi cac duong
0

y= F(X), y:G(X),X:0,X:3. Khi S =15 thi a béngbaonhiéu?

Két qua: ]
Trinh bay:

Nguoi ta mudn tao mot vat trang tri dang tron xoay bang cach quay mién (R) (phéan duoc td
dam nhu hinh vé) quanh canh CD. Biét rﬁng ABCD 1la hinh chi* nhat c6 canh AB =2cm,
AD =4cm . Mién (R) duoc gidi han boi canh AD,CD va mot phan cua Parabol (P) (c6 dinh

/o

Ale i A s A 7 1N ar &) * a \ A A A
C, truc d6i xitng CB). Thé tich vat trang tri la o (Cma), véi a,beN, b la phan so toi

gian. Tinh gi4 tri biéu thiac T =a+b.

FEJ

Két qua: [ ]
Trinh bay:



Cau 5:

Cau 6:

Gia st loi nhuén bién (tinh theo triéu dong trén tan) cua mot loai san phadm cta nha may
duoc tinh theo cong thic P'(x) =18-0,04x. Trong dé P(X)(tinh bang triéu dong) la loi
nhuan thu duoc khi ban x tan san pham. Goi chénh léch 1oi nhuén khi ban 100 tan san pham
so voi khi ban 50 tan san pham la a triéu dong. Tinh gid tri ctia a (don vi triéu dong).
Két qua: ]
Trinh bay:
Mot bon nude duoc thiét ké voi chiéu cao 8 dm, ngang 8 dm, dai 2 m, bé mat cong déu
nhau véi mat cat ngang 1a mot hinh parabol nhu hinh vé bén duwdi. Bon chita duoc t6i da bao
nhiéu lit nwdc?

8dm

8dm

20dm

Két qua ]
Trinh bay:
HET
Hué, 10h20’ Ngay 30 thdang 11 nim 2024
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PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Cau1:

Cau 2:

Cau 3:

Cau 4:

Cho ham s6 y = f(x) lién tuc trén R. Khang dinh nao duwéi day ding?

A. [Kf(x)dx =k[ f(x)dx ke R. B. [xf(x)dx=x[ f(x)dx

C. [ f(kx)dx=k[ f(x)dx,keR. D. [Kf (x)dx =k f(x)dx,k e R\{0}.

Cho céc so thuc a,b (a< b) vaham sd y=f (X) co f (X), f'(X) 1a cdc ham soO lién tuc trén
R . Pang thtec nao dudi day dung?

A. if(x)dx= f'(a)-f'(b). B.
C. jf(x)dx: '(b)-f'(a). D.

.....

Tacé:_!f (x)dx=f (x)[ = f (b)- f (a).

Choham s y=f (X) lién tuc trén doan [l; 3] . Dién tich hinh phang gii han boi d6 thi ham

F(x)ax = f (a)~ £ (b).
f'(xjdx=f (b) - (a).

o
D e O T

s8 y = f(x), truc hoanh va céc duong thang x=1,x=3 la
3 3 3 1

A s=[|f(x)d.  B.S=[f(x)d.  C.S=-[f(x)dx. D.S=[[f(x)dx.
1 1 1 3
Loi giai

3
Ap dung cong thiic tinh dién tich hinh phang: S = ” f (x))dx
1

Cho ham s8 y = f (x) lién tuc, khong 4m trén doan [a;b] nhu hinh bén dudi:
YA

B X)




Hinh phang (H) gi6i han boi d6 thi ham s6 y = f (x), truc hoanh va hai dwong thang x=a;
x=b quay quanh truc Ox tao thanh mot khdi tron xoay cé thé tich bang

A.V :ﬁ':[[f (x)]zdx. B.V :‘T|f (x)dx.  C.v :T[f (x)]2 dx. D.V :zj.[f (x)]de;

Loi giai:
b
Tacod: V :ﬁjfz(x)dx.
Cau5: Khéng dinh nao duéi day sai?

n+1

A. J‘x”dx= ad +C,n#-1. B. Iexdx:ex +C.
n+1
1 1 1
C. J-?dx=;+c. D. J‘;dlen|X|+C

Cau6: Chohamsd y= f(x)liéntuctrén R va cd d6 thi nhw hinh vé bén duwdi:

O S, J\ T

4
Biét rang cac dién tich S, S, thoa man S, =2S, =3. Tinh I f (x)dx.
0

A. 3. B. 3. C. = D. 9.
2 2 2
Loi gidi:
u A
S,
0 \ T
YR
4 a 4 3 3
Tacod: | f(X)dx=| f(xX)dx+| f(X)dx=-S,+S, =—3+—=——.
!() !() !() ,+S, 5=

Cau7: Cho mot vat thé giéi han béi hai mat phang vudng géc véi truc OX tai cac diém c6 hoanh d6
x=-1 va x=1. Mot mat phang vudng géc véi truc OX tai X (—1< x<1) cit vat thé d6 theo

mot mét c4t 13 hinh vudng c6 canh bing v1-x* . Thé tich ctia vat thé d6 bing

AL B. T c? p. &
5 5 5 5
Loi gigi:

2
Dién tich hinh vuong canh V1-x" 1a 8 (x)=(V1-x* | =1-x".



1

Thé tichcan tim [a V = j. S(x)dx =j.(1—x4)dx =£x—%5]

8
-1 -1 5
Cau8: Gia st mot chdt diém chuyén dong voi gia toc tai thoi diém t (gidy) duoc xac dinh bdi cong

thie a(t)=2t—1( m/s?). Biét ring van toc cta chdt diém tai thoi diém ban dau la

Vo =2( m/s). Van t8c cua chat diém do tai thoi diém t (giay) la

A v(t)=2t"-t+2(m/s). B. v(t)=t’—t+2(m/s).
C.v(t)=2t"—t(m/s). D. v(t)=t*—t( m/s).
Loi giai:

Tacé: v(t)=Ja(t)dt=](2t-1)dt=t*-t+C;v(0)=0"-0+C=2,suyra C=2.
Do d6 v( )=t2—t+2

Cau9: Bié tj dX aX+b|n|X+2|+C (a;b;C eR).Tinh a+b.
A. 3. B. 5. C.4. D. 6.
Loi giai:
Ta cod f( ) x+7 =3 i
X+2 X+2

SuyraZJ.f(X)dX=J.(3+$ X= 3J.dx+f—dx 3x+In|x+2/+C——a=3b=1.

2 5
Cau10: Néu [ f(x)dx=-1va [f(x)dx=3 thlj ~2f (x)dx bing
1 2 1

A. 2. B. 4. C. 4. D. 2.

. e 2 e

2

Ta cé: j— (x dx_-zj dx_—ZU f (x)dx+Z[ f (x)dxj:—z(—1+3):—4.

1

2x*—x khi x<0

Cau11: Cho ham sd& f(X): _ ]
sin x khi x>0

. Tinh tich phan [ f (x)dx
-1

13 5 5 19
A —. B. —. C.—=. D. —.
6 6 6 6
Loi giai:
Ta co: I:J.0 f(x)dx+r dx I (2x° —x)dx+J' S|nxdx_z+2_E
) -1 0 6 6

Ciu12: Chohamsd y=f (X) la ham da thitc bac bon va c6 d6 thi nhw hinh vé bén dwdi:



-2 -1 0 1 X

Hinh phing gi6i han boi d thi hai ham s8 y = f (x), y = f'(X) c6 dién tich bang

AL B 17 c 8 D. 7.
40 5 40° 10
Loi giai:

Ta thdy do6 thi ham sd y = f (X) tiép xuc véi truc hoanh tai hai diém c6 hoanh d¢ br?mg -2 va
1 nén ham s8 c6 dang f (x)=a(x+2)" (x-1)".

Ma db thi ham s& y = T (x) di qua diém A(0;1)= 4a=1= a=%:> f (x)=%(x+2)2(x—1)2
N f’(x)=%(x+2)(x—1)(2x+1)

Xét phuong trinh hoanh d6 giao diém cta y = f (x) va y=f'(x):

X=-2
1 2 2 1 x=1
Z(X+2) (x—1) _E(x+2)(x—l)(2x+l)<:> o1
x=4
= Hinh phang gi¢i han béi d6 thi hai ham s6 y=f(x), y=f'(x) cé dién tich la
x+2 - 2—%(x+2)(x—1)(2x+1) 107,

PHAN II. Cau trac nghiém dang sai. Thi sinh trd loi tie cdu 1 dén cdu 4. Trong moi ya),b)c)do mdi cdu,
thi sinh chon diing hodc sai (dién diau X vao 6 chon)

2 5
Caul: Cho [ f(x)dx=10va [ f(x)dx=3.
-1 2
Khang dinh Dung Sai
a) | #
j f (x)dx =-10.
2
b) | %

[2f (x)dx=12.

j[zf (x)+1]dx =15.




Cau 2:

9 J' f (x)dx=13.

Loi gigi:

| a)bung | b) Sai | c) Sai

d) bang ‘

a) bung.
= 2

Ta co: j f (x)dx=—_[ f (x)dx =-10.
2 -1

b) Sai.
2 2

Taco: [2f (x)dx=2] f(x)dx=210=20.
-1 -1

¢) Sai.

2 2 2
Taco: [[2F (x)+1]dx=[2f (x)dx+ [ dx=2.10+3=23.
-1 -1 -1

d) bung.
5 2 5
Ta co: I f(x)dx=_[ f(x)dx+J' f (x)dx=10+3=13.
-1 2

-1

Gia st chi phi mua va bao tri mét thiét bi trong = nam c6 thé duwgc mo hinh hoa theo cong

x 1
thite C = 5000(25+ 3j t4dtJ .
0

Khang dinh Dung Sai

a) | Chi phi mua 1 san pham la 100000 dong.
b) | Chi phi bao tri ndm dau tién cua 1 san pham la 12000 dong.
¢) |Sau 6,5 nam thi s8 tién mua mot san phadm bang s& tién bao

tri san phdm do.
d) | Néu mét nha dau tw ¢6 10 triéu, thi ho ¢6 thé mua va bao tri

t6i da 30 san phdm trong 10 ndm.
Loi gidi:

|  aSi | bbung | ¢) Sai d) Sai

a) Chi phi mua 1 san pham ting véi = =0, saura C' = 5000.25 = 125.000.

Suy ra ménh dé a sai.

11
b) Vi 2 = 1tacéd: C= 5000{25 + 3jt4dtJ =137.000 .
0

Suy ra chi phi bao tri ndm dau tién ctia san pham la 137.000 —125.000 = 12.000 dong.

Suy ra ménh dé b dung.

c) Goi 71a s6ndm ma s tién bao tri bang s& tién mua san pham.
Khi d6 tong s0 tién mua va s6 tién bao trila 2 * 125.000 = 250.000.

5X

1 5
Khi do: 5000[25 + 3jt4dt] =250.000 < 25+ 3[%154
0

Vay ménh dé c sai.

=50<:>£x
o 5

4
S 5
4 :25<:>x:[§j ~6.52 nam.



d) SO tién mua va bao tri 1 san pham trong 10 nam la:
10 1

C= 5000(25 +3 j t4dtJ - 5000(25 +24410 ) ~338.393,53.

.. 10.000.000
COl ————————

338.393,53
Vay véi 10 triéu thi ho c6 thé mua va bao tri t6i da 29 san pham. Suy ra ménh dé d sai.
Cau3: Chohamso f (X) =x>+ax’ +bx, véi a, b 1a cac sd thuc. Biét ham s y = f '(X) co do thi nhu

~ 29,55

hinh vé bén duwdi. Goi (D) la hinh ph;fmg gidi han boi d6 thi ham sd y = f '(X) va truc hoanh.

j /-’J = f'(z)
S ——— %
0 RO T] 4
sesosesees! i
Khang dinh Dung Sai

D p(0)= Ovaf( ]: .

b) f'(x)=3x*—4x.

©) | Dién tich cua hinh phing (D) 1a % (dvd).

d) | Khi quay hinh phing (D) quanh truc hoanh Ox ta dwoc khéi
5127r

tron xoay c6 thé tich la (dvtt).

Loi gigi:
| a) bung | b) Dung | c) biang | d) Bung
a)b) Tacé: f(x)=x"+ax’+bx= f'(x)=3x*+2ax+b

A . \ A ] g \ . . - A? ’ \ A 1N \ 4 A
Vi d6 thi ham so y = f (X) cat truc hoanh tai hai diém c6 hoanh d¢1a 0 va 3 nén

f'(0)=0
f’(ﬂ ——a=-2b=0—— f'(x)=3x"-4x.

3

O — | &

c) Khi d¢ dién tich ctia hinh phéng (D) la [[3x* —4x|dx === (dvdt)
d) Khi quay hinh phang (D) quanh truc hoanh OX ta dwoc khdi tron xoay c6 thé tich 1a

3
V= nj (3x* —4x)’ :F’jﬁ (dvtt).
0



Cau4: Tai mot khu di tich vao ngay 18 hoi hang nam, toc do thay d6i lwong khach tham quan dwoc
bidu dién bang ham s& Q'(t)=4t°—72t>+288t, trong d6 t tinh bang gid (0<t<13),
Q'(t)tinh bang khach/gio. Ngudn: R.Larson and B. Eawads, Calculus 10e, Cengage).
Sau 2 gio da c6 500 nguoi c6 mat.
Khéng dinh Dung Sai
a) | Lwong khach tham quan dwoc biéu dién béi ham sd
Q(t) =t"—24t> +144t*.
b) | Sau 5 gio luong khach tham quan la 1325 nguoi.
c) | Luwong khach tham quan 16n nhat 1a 1296 nguoi.
d) | T6c dd thay ddi lwong khach tham quan 16n nhat tai thoi diém
t=6.
Loi gidi:
| a)%i | b)bing | o) Sai | d) Sai
a) Sai
Tac6 Q(t)= [Q'(t)dt =t* —24t° +144t* + C = Q(2) =500 = C =100.

Suy ra Q(t)=t"—24t>+144t* +100 Vay a) sai.

b) bung

Sau 5 gid lugng khach tham quan 1a Q(5)=1325. Do d6 b) dtng.
) Sai

Ta c6 r[g%)](Q(t) =Q(6)=1396.

d) bung

Xét f(t)=Q'(t)=4t>-72t* +288t,0<t <13

X =6+2+/3 €[0;13]
x=6-2v3¢[0;13]

So sanh f(O);f(6—2\/§);f(6+2\/§) va f(13) suy ra: r[g;iils)](Q'(t)=Q’(6—2x/§).

PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dén cdu 6.

Taco f'(t)=12t" ~144t+288; f'(t)=0<

Caul:  Goi F (X) - (ax3 +bx* +ox+d )ex la mot nguyén ham cua ham sO
f(x)=(2x°+9x* —2x+5)e*. Tinh a’ +b* +¢’ +d”.
Két qua: S0

Trinh bay:
Loi gigi:
F(x) 1a mdt nguyén ham ctia ham s6 f (x) néntacéd: F'(x)= f(x)

Tacéd: F'(x) = (3ax2 +2bx+c)eX +(ax3 +bx? +cx+d )eX



=[ax +(3a+b)x*+(2b+c)x+(c+d)]e”
Do dé: [ax3+(3a+b)x2 +(2b+c)x+(c+d)]eX :(2x3+9x2—2x+5)e"

a=2 a=2
. o, . |3a+b=9 b=3 s Lo o o
Pong nhat hé so ta co: = =a“+b°+c +d°=246.
2b+c=-2 C=-
c+d=5 d=13

Cau2: Chohams6 y= f(Xx) lién tuc trén khoang (0;+) va c6 bang bién thién nhw sau

£ () _2 .5 5—) + X

y ~ = + =

0 ) ()
P P f(5)
/ \ vl \

f'(x)|dx=5. Tinh f (5).

Két qua:

Trinh bay:

5
Biét rang J
2

e 2.

Loi gidi:
T bang bién thién ta cé x €[3;5]= f'(x)>0 va xe[2;3]= f'(x)<0, f(2)=0, f (3)=-1.

]]f'(X)‘dx:5<:>j]f'(x)‘dx+Jj f'(x)|dx=5
cz—jf'@de+If’@de:5¢3f(xﬂ§+f(xﬂz:5

< f(2)-f(3)+f(5)-f(3)=5« f(5)+2=5« f(5)=3.

Cau3: Biét F(x) va G(x) la hai nguyén ham cta ham s§ f(x) trén R va
3
If(x)dx =F(3)-G(0)+a,(a>0). Goi S la dién tich hinh phing gi6i han boi cac dudong
0

y=F(x), y=G(x),x=0,x=3. Khi S =15 thi a bang bao nhiéu?



Cau 4:

0

3 3
Nén: J‘[G(x)— F(x)]dx:jadx:3a:15:> a=>5.
0 0

Nguoi ta mudn tao mot vat trang tri dang tron xoay bang cach quay mién (R) (phan duoc to
dam nhu hinh vé) quanh canh CD. Biét r;;“mg ABCD 1la hinh chi* nhat c6 canh AB=2cm,
AD = 4cm . Mién (R) duoc gidi han boi canh AD,CD va mét phan cua Parabol (P) (c6 dinh
C, truc ddi xting CB). Thé tich vat trang tri la a{ (cm3), véi a,be N, % la phan sd toi

gian. Tinh gid tri biéu thtiec T =a+b.

FEJ

Két qua:
Trinh bay:

Loi gidi:

B A

’ O ar

Dung hé truc toa do (Oxy) trong d6 O trung voi D, truc Ox chita canh CD, truc Oy chita
canh DA. D0 dai ctia vecto don vi trén ca hai truc la 1cm .

Tt cach dung trén, tacd C (—2;0), A(0;4) )

Goi (P):y=ax*+bx+c.

-b

2a -2 a=1

Ta c6 hé phuong trinh sau:<4a-2b+c=0<<b=4.

c=4 c=4




Cau5:

Cau 6:

Nhu vay (P):y=x*+4x+4.

0
The tich vat trang trila V = 7 [ (x+2)" dx =
-2

Dodb a=32,b=5

Vay T=a+b=32+5=37.

Gia st loi nhuén bién (tinh theo triéu dong trén tan) cua mot loai san pham cta nha may
duoc tinh theo cong thic P'(x)=18-0,04x. Trong d6 P(X)(tinh bang triéu dong) la loi
nhuan thu duoc khi ban x tan san pham. Goi chénh léch 1oi nhuan khi ban 100 tan san pham
so voi khi ban 50 tan san pham 1a a triéu dong. Tinh gia tri ctia a (don vi triéu dong).

Két qua: 750

Trinh bay:

Loi gidi:
100 s 100

Tacé: P = [ P'(x)dx = [ (18-0,04x)dx = (18x—0,02x")| " =750.
50 50

Vay su thay déi loi nhuan khi ban duoc tir 50 tin san phdm dén 100 tAn san phdm bang 750
triéu dong.
Mot bon nude duoc thiét ké véi chiéu cao 8 dm, ngang 8 dm, dai 2 m, bé mat cong déu
nhau véi mit cat ngang 1a mot hinh parabol nhu hinh vé bén dudi. Bon chita dwoc t6i da bao
nhiéu lit nude?

8dm

8dm

20dm

Két qua: 853
Trinh bay:



Loi giai:
Xét mit cit parabol, chon hé truc nhw hinh vé. Ta thdy parabol di qua cac diém A(—4; 4),

B(4;4),C(0;0) nén cé phuong trinh y = % x*. Dién tich phan mat cat tinh nhu sau:

___________ )
| 6 |
i 4 1 |
i 2- 1
:4 0 ; X
4
Ta c6: s=shv—j1x2dx=64—%=@(dm2).
2,2 3 3
20 20
Do d6 thé tich ctiabon 1a V = j Sdx = j @dh@(dms) z853(dm3).
0 0 3,\,
HET

Hué, 10h20’ Ngdy 30 thdang 11 nim 2024
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Trong qud trinh swu tdm va bién soan, néi tailiéu cd sai sét gi thi rdt mong nhin dwoc sw gop y ciia
quy thuy cd cung cdic em hoc sinh! Xin chin thanh cam on!

PHAN I Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi ciu
hoi, thi sinh chi chon mot phwong dn.

Caul:

Cau 2:

Cau 3:

Cau4:

Ménh dé nao dudi day sai?

A.I 12 dx =tanx +C. B. jl dx =Inx+C.

COS“X X

C. Isinx dx = —cosx +C. D. ISX dx = 3 +C.
In3

Thé tich khdi tron xoay do hinh phang gii han boi cac duwong Yy = JX, truc OX va hai duong
thang X =1;x =4 khi quay quanh truc hoanh duoc tinh béi cong thiic nao?

A.V=7rjlxdx. B.V:nzjxdx. C.Vznj\/;dx. D.V:j‘|\/;|dx.
1 1 1

1
Cho d6 thi ham s y = f (x) nhw hinh vé sau bén dudi:

1 2

Biétring [ f(x)dx=a va [ f(x)dx=b.Diéntich S ctia phan hinh phing duoc to dam la
-2 1

A.S=-a-b. B.S=a-b. C.S=b-a. D. S=a+b.

2 4 4
Cho ham s& f (x) lién tuc trén R vacs [ f(x)dx=9, [ f(x)dx=4.Tinh I = [ f(x)dx.
0 2

0

Al = B. | =13 C. =5 D. 1=36.



Cau5:

Cau 6:

Cau7:

Cau 8:

Cau9:

Cau 10:

Cau 11:

Cau 12:

Tinh thé tich V cta phan vat thé giéi han boi hai mat phang x=0,x=1, c6 thiét dién bi cat
boi mit phang vudng goc véi trucOX tai diém cd hoanh dd x (0<x<1)la mot tam giac déu

c6 canh bang X.

av=127 Bv=12 .y Yo p.v =38,
5 5 12 12
Cho If(x)dX:—COSX+C.IQ1§ng dinh nao dudi day diang?
A. f(x)=sinx. B. f(x)=—cosx. C. f(x)=-sinx. D. f(x)=cosx.

Dién tich hinh phing$S gi6i han boi céc dudong thing y=Xx*—X,y=0,x=0,Xx=2 duoc tinh
bdi cong thirc nao sau day?

A. S :j(x—xz)dx. B. S ='|2.(x2—x)dx—'1[(x2—x)dx.
0 1 0
C.S :j(xz—x)dx+.2[(x2—x)dx. D. S :i(xz—x)dx.
. 0 1 . 3 0
Néu J f (x)dx=-2 thi gia tri cta | :I[E f (x)+1}dx bang
1 1
A. 2. B. -6 C.0. D. 3.
Cho ham so y=x3 c6 mot nguyén ham la F(X).Tl'nh F(Z)—F(O).
A. 16. B. 1. C. 8. D. 4.

Mot 6 to dang chay voéi van toc 10m/ s thi gap chudng ngai vat, nguoi lai xe dap phanh. Tt
thoi diém do, 6 t6 chuyén dong cham dan déu véi van tdc V(t) =-2t+10 (m /s ), trong do t la
khoang thoi gian tinh bang gidy, ké tir lic bat dau dap phanh. Tinh quang duong 6 to di
chuyén duoc trong 8 gidy cudi cung.

A. 55m. B. 25m. C. 50m. D. 16m.

3

2 .

Biét I(x+;jdx:a+2Inb, véi a,beZ.Téng a+b bang

1
A. 3. B. 5. C. 7. D. 6.

4x%+2x+1 khix>0
Cho ham s6 f(x)= . Gia st F(x) 1a nguyén ham cua f(x) trén R
() {4x+1 khix <0 (x) 1a nguy ()

théa man F(1)=2.Gid tri caa 2F (-1)+3F(2) béang
A. 76. B. 19. C. 21. D. 63.

PHAN II. Cau tric nghiém dtng sai. Thisinh trd 10i tie cdu 1 dén cdu 4. Trong mdi y a), b), c), d) & méi cdu,
thi sinh chon diing hodc sai (dién ddu X vao 6 chon)

Caul:

Trong thi nghiém nudi cAy mot loai vi sinh vat, ki hiéu f(t) la tong s6 luong vi sinh vat sau
t gid. Biét rang sau 3 gio dau tién thi tong s6 lugng vi sinh vat 1a 50 con. Trong 7 gio tiép
theo, s6 lugng vi sinh vat thay d6i voi téc do f'(t) =t* -8t (con/giv).

3

a) Ho nguyén ham cua f'(t) 1a t5—8’[2 +C (CeR).

b) SO luong vi khuan tang lién tuc trong khoang tir 3 gio dén 10 gio sau thoi diém lam thi
nghiém.
c) S8 lugng vi khuan la nho nhat sau 8 gio tinh tir lic bat dau lam thi nghiém.



Cau 2:

Cau 3:

Cau 4:

d) Sau 6 gio thi s6 hrong vi khuéan 1a 5 con.
0

Cho jf( )dx =4 vajg X)dx =-3.

a)jf

0
0

b)j -3 (x)dx =12.

Q) j[f +g(x) Jdx=-7.

d) Néu J;[mf (x)+ng(x)]dx=-51 va j[nf (x)+mg(x)]dx =20 thi m+n=371.

Goi (H,) la hinh phang giéi han boi cac duong y=e*,x=-1x=1(H,) la hinh phang gii
han boi cac duong y=x*-1,x=-1,x=1 va (H) 1a hinh phang gi6i han béi cac duong
y:ex1y:X2—1,X=—1,X=1.

1
a) Cong thirc tinh dién tich hinh phang (H,) 1a S, = Iexdx :

b) Thé tich V, ctia khéi tron xoay sinh ra khi quay hinh phéng (H,) xung quanh Ox thoa

man V, <10.
¢) Thé tich khdi tron xoay sinh ra khi quay hinh phang (H,) xung quanh Ox bang V, = %
2 —
) Din tich hinh phing (H) bing § =2 .
e

Mot 6 to chuyén dong nhanh dan déu véi van tSc duoc tinh theo thoi gian t bang
v(t) =10t(m/s).

a) Quang dwong 6 t6 di duoc trong khoang thoi gian 5 gidy dau tién la 50 m .

b) Gia tdc chuyén dong ctia 6 tola a=10(m/s?).

¢) Quang duong 6 t6 di duoc trong khoang thoi gian tir 5 gidy dén 10 giay 1la 375m.

d) Gia st 6 t6 d6 di duoc 10 gidy thi gap chudng ngai vat va phanh gap, 6 to tiép tuc chuyén
dong cham dan déu véi gia tsc a=—-40(m/s®). Khi d6, quang duong 6 to di duoc tir lc bat
dau Chuyen dong dén lac du’ng han 1a 625 m .

PHAN III. Cu tric nghiém tra 16i ngan. Thisinh trd 10i tie cdu 1 dén ciu 6.



Caul:

Cau 2:

Cau 3:

Biét F(x)=(ax’+bx+c)V2x-3,(abcez) la moét nguyén ham cia ham s§
2
f(x)= 22X 3XH e Khoang (g;mj.ﬁnh T=a+b+c.

\V2x-3
Két qua: [ ]

Trinh bay:

Cho hinh (H ) giéi han boi truc hoanh, d6 thi cia mot Parabol va mot duong théng tiép xac
v&i Parabol do tai diém A(2; 4), nhw hinh vé bén dudi:
v‘.
7, IO

rJ

Rl e e e e e

X

o N
Tinh gan ding dén hang phan trim thé tich vat thé€ tron xoay tao boi khi hinh (H ) quay
quanh truc Ox.

Két qua: [ ]

Trinh bay:

S6 dan ctia mot thi trdn sau t ndm ké tir ndm 1990 dwoc wdce tinh theo mdt ham so theo thoi

gian f(t) (f(t) duoc tinh bang nghin nguoi). Biét rang f'(t) = 2 (nghin nguoi/nam)

t? + 4t +
biéu thi t6c dd tang dan s6 cta thi trdn. S6 dan cua thi tran d6 vao ndam 2035 la bao nhiéu?

(tinh gin dung dén hang phin chuc) biét dan s ctia thi tran d6 nam 1990 la 3 nghin nguoi.

Két qua: [ ]



Cau4:

Cau5:

Cau 6:

Ong A c6 mdt cai cdng hinh chit nhat c6 chiéu ngang 5m, 18i vao cdng c6 dang parabol c6
kich thudc nhu hinh vé bén dudi:

v
- o) SRS 3
g 1l
\
) V5 III5 !
Om
1
: L. L 1B ¢
1 o 1 x

Ong A can trang tri bé mit (phan gach chéo) ctia cong. Ong A can bao nhiéu tién dé trang
tri, biét gid thanh trang tr 1a 1.200.000 déng/Im’ (don vi triéu dong)?

Két qua:
Trinh bay:
Tdc d6 tang tredng ciia mot dan gdu meo tai thoi diém ¢ thang ké tir khi nguoi ta tha 100 ca
thé dau tién vao mot khu rimg duoc wée luong boi cong thire P'(t) =8t +30 (con/théng), véi
P(t)1a s6 lwong ca thé trong dan tai thoi diém t thang twong tng (Nguon: Chris Kirkpatrick,
Barbara Alldred, Crystal Chilvers, Beverly Farahani, Kristina Farentino, Angelo Lillo, Ian
Macpherson, John Rodger, Susanne Trew, Advanced Function, Nelson 2012). Dua vao toc do tang
truong da cho, hay udc tinh s ca thé ctia dan gadu meo nay tai thoi diém 3 thang ké tir khi
ching duoc tha vao rimg.
Két qua:

Cho parabol (P,):y=-X+4 cét truc hoanh tai hai diém A, B va duong thiang d:y=a
(0O<a<4) tai hai diém M, N . Xét parabol (P,) di qua A, B va c6 dinh thudc duong thang
y=a. Goi S, la dién tich hinh phéng giéi han bsi (B) va d. S, 1a dién tich hinh phang gi6i
han boi (P,) va truc hoanh (tham khao hinh vé).



Hué, 10h20’ Ngay 11 thdng 01 ndm 2025
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PHAN L Cau tric nghiém v6i nhiéu phwong an lya chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Méi ciu
hoi, thi sinh chi chon mgt phwong dan.

Caul:

Cau 2:

Cau 3:

Cau 4:

Ménh dé nao dudi day sai?

A.I 12 dx =tanx +C. B. Il dx =Inx+C.

COS“X X

C. Isinx dx = —cosx +C. D. ISX dx = 3 +C.
In3

Loi giai:

Vi J.% dx =In|x|+C .

Thé tich khdi tron xoay do hinh phang giéi han boi cic duong Yy = JX, truc OX va hai duong
thang X =1;x =4 khi quay quanh truc hoanh dwoc tinh béi cong thikc nao?

A.V=7rjlxdx. B.V=7t2jxdx. C.V=7rj:\/;dx. D.V=j‘|\/;|dx.
1 1

1 1
Cho d6 thi ham s y = f (x) nhu hinh vé sau bén dudi:

-2
A.S=-a-b. B.
Loi gidi:

Ttrdd thi, taco a<0 va b>0
1 2

jf(x)dx If(x)dx

-2 1

2 4 4
Cho ham s8 f (x) lién tuc trén R vaco [ f(x)dx=9, [ f(x)dx=4.Tinh I =[f(x)dx.
0 2 0

2

Bidt ring j X)dx=a va [ f(x)dx=b.Diéntich S ciia phan hinh phing duoc t6 dam Ia
1
S

=a-b. C.S=b-a. D. S=a+b.

Doddcod S = +

=|a|+|b|=-a+b=b-a.



Cau5:

Cau 6:

Cau7:

Cau 8:

Cau9:

A. I:Z. B. | =13. C.1=5 D. | =36.
Loi gidi:

4 2 4
Tacd | =If(x)dx:jf(x)dx+'[f(x)dx:9+4:13.

0 0 2

Tinh thé tich V ctia phan vat thé giéi han boi hai mit phang x=0,x=1, c6 thiét dién bj cat
boi mat phing vudng goc voi trucOX tai diém c6 hoanh dox (0<x <1)la mot tam gidc déu

c6 canh bang X.

av=7 Bv-2 cv=Y¥7 p.v-23
5 5 12 12
Loi gidi:
1 1
Thé tich vat thé la: V :IS(x)dx:Ixz.ﬁdx:ﬁ.
5 0 4 12
Cho [ f(x)dx=—cosx+C. Khang dinh nao duéi day dting?
A. f(x)=sinx. B. f(x)=-cosx.  C. f(x)=-sinx. D. f(x)=cosx.

.....

Ta cé:j f(x)dx=-cosx+C = f(x)=(—cosx+C)' =sinx.

Dién tich hinh phing$S gidi han boi cdc duong thing Y=X"-X,y=0,x=0,x=2 duoc tinh
boi cong thirc nao sau day?

A. S :i(x—xz)dx. B. S :i(xz—x)dx—j'(xz—x)dx.
0 1 0

C. S =J1.(x2—x)dx+j.(x2—x)dx. D. S :j(xz—x)dx.

L(‘rigid(z)' 1 0

4 4
Néu | f(x)dx=—2 thi gid trj cia | :J‘Bf(x)ﬂ}dx bing
1

1

A. 2. B. -6 C. 0. D. 3.
Loi gidi

HE! 3 3
Taco: | :I[— f (x)+1}dx:—j f (x)dx+x|f ==.(-2)+4-1=0.

112 23 2
Cho ham s§ ¥ =X’ ¢4 mot nguyén ham Ia F(X). Tinh F(2)-F(0)
A. 16. B. 1. C. 8. D. 4.
Loi gidi:

4
Tacd: F(x)=|[xd _X C.
aco: F(x) Ix X 4+

Vay F(2)—F(0)=[%4+Cj—[07:+cj=4.



Cau 10:

Cau11:

Cau 12:

Mot 6 t6 dang chay véi van toc 10m/ s thi gdp chudng ngai vat, nguoi lai xe dap phanh. Tt
thoi diém do, 6 t6 chuyén dong cham dan déu véi van tc v(t) =-2t+10(m/s), trong d6 t 1a
khoang thoi gian tinh bang gidy, ké tir lic bat dau dap phanh. Tinh quang duong 6 to di
chuyén duoc trong 8 gidy cudi cung.

A. 55m. B. 25m. C. 50m. D. 16m.
Loi gidi:

Tacé —2t+10=0<>t=5= Thoi gian tinh tir ic bat dau dap phanh dén khi ditng han la 5
giay.

Vay trong 8 gidy cubi cung thi ¢ 3 gidy 6 to chuyén dong véi van toc 10m/s va 5 gidy
chuyén dong cham dan déu véi van toe v(t)=-2t+10(m/s).

5
Khi d6, quang dudmg 6 t6 di chuyén la § =3.10+ [(~2t+10)dt =30+25=55m.
0

3

2 .

Biét I(x+;)dx:a+2mb, voi a,beZ.Téong a+b bang
1

A. 3. B. 5. C. 7. D. 6.
Loi gidi:
3 2
Tacd I(x+g]dx=x—+2ln|x|
X 2

3
1 1

:%+2In3—%:4+2In3:>a=4;b:3:>a+b:7.

4x3+2x+1 khix>0

Cho ham s& f(x)={ . Gia st F(x) la nguyén ham cta f(x) trén R

4x +1 khix<0
théa man F(1)=2.Gid tri caa 2F (-1)+3F (2) béang
A.76. B. 19. C. 21. D. 63.
Loi gidi:

Vi F(x) la nguyén ham cta f(x) trén R nén ta co:
0
f(x)dx =] (4x+1)dx=F (0) - F(-1)=-1

-1

N O % 'I__l_.o

f (x)dx :j(4x3 +2x+1)dx =F (1)~ F (0)=3 _ E(o) . :{F(—l):o'

!f(x)dx:

F(1)=2
Vay 2F (-1)+3F (2)=63.

(4% +2x+1)dx =F (2) - F (1) =19 F(2)

he— o

PHAN II. CAu tric nghiém dang sai. Thisinh trd loi tir ciu 1 dén cdu 4. Trong mai ya)b)c)do méi cdu,
thi sinh chon diing hodc sai (dién ddu X vao 6 chon)

Caul:

Trong thi nghiém nudi cdy mot loai vi sinh vat, ki hiéu f (t) 1a tong sd luong vi sinh vat sau
t gio. Biét rang sau 3 gio dau tién thi tong s6 lwong vi sinh vat 1a 50 con. Trong 7 gio tiép
theo, s6 luwong vi sinh vat thay doi véitdc do f'(t)=t* -8t (con/gio).

3

a) Ho nguyén ham cua f'(t) la tE—Bt2 +C (CeR).



b) S6 luong vi khudn tang lién tuc trong khoang tir 3 gio dén 10 gio sau thoi diém lam thi
nghiém.

c) S6 lugng vi khuan 1a nho nhat sau 8 gio tinh tir ldc bat dau 1am thi nghiém.

d) Sau 6 giéy thi s6 luong vi khuan 1a 5 con.

.....

| a)Sai | b) Sai | obing | d)bing |

.. o [(f+2 £
a) Sai: Ta cé: I(t —8t)dt —§—4t +C.
b) Sai: Taco: f'(t)>0 khi 8<t<10 va f'(t)<0 khi 3<t<8.
Nén s6 lwgng vi sinh véat giam trong khoang tir 3 gio dén 8 gio, sau d6 tang dan trong khoang
8 gio dén 10 gio.
¢) Plng: Bang bién thién cua f (t):

£:]:3 N 10)

f(t — 0 +

J(8)

3 3

d) Déng: f(t)== —4t?+C. Do (3)=50= > 43 +C=50=C =77.
3 3

Suy ra f(t)=%t3—4t2+77:> f(6)=

0 0
Cho [ f(x)dx=—4 va [g(x)dx=-3.
-3

-3

a) _J. f(x)dx =—4.

b)j ~3f (x)dx =12.

Q) i[f(x)+g(x):|dx:—7.
d) Néu }[mf (x)+ng(x):|dx:—51 va j[nf(x)+mg(x):|dx:20 thi m+n:37l

.....

| a) Sai ‘ b) Bung | c) bung | d) Bung |

a)Sai:Tacoj dX-—J.f dX:>J. dX 4.
b) Diing: Ta co [ (-3) F(x)d=(-3).] f (x)dk=(-3).(~4)=12.

¢) bung: Ta c6 i[f (X)+9g(x)Jdx= j i (x)dx+jg(x)dx=(—4)+(—3)=—7.



Cau 3:

d) Sai: Ta c6 T[mf (x)+ng(x)]dx=-51 va j[nf (x)+mg(x)Jdx =20

0

f dx+n g(x dx_—51 _ 264

mJ 1 (x I 4m-3n=-51 |73 31

Suy ra: = = =>m+n=—
¢ —4n-3m=20 233
I dx+mjg dx 20 HZ—T

Goi (H,) la hinh phing gidi han boi cac duong y=e*,x=-1,x=1(H,) la hinh phang gidi
han boi cac duong y=Xx*-1,x=-1,x=1 va (H) 1a hinh phang giéi han béi cac duong
y=eXy=x"-1,x=-1x=1.

1
a) Cong thtrc tinh dién tich hinh phang (H,) 1a S, = Iexdx :

b) Thé tich V, ctia khéi tron xoay sinh ra khi quay hinh phéng (H,) xung quanh Ox thoa

man V, <10.
) IR . . . 2 3 16
¢) Thé tich khéi tron xoay sinh ra khi quay hinh phang (H,) xung quanh Ox bang V, = 15"
2
) i tich hinh phing (H) bing § =2 <.
e
Loi giai:
| Abing | b)Sai | qgSi | dbing |

1
a) Cong thtrc tinh dién tich hinh phang (H,) 1a S, = jexdx , suy ra ménh dé dung
e
b) Thé tich khéi tron xoay sinh ra khi quay hinh phang (H,) xung quanh Ox béng
L 1.
V, = |e¥dx=7z—-e*
\=xf >

= E(ez _izj ~11,4, suy ra ménh dé sai
L, 2 e

) Thé tich khdi tron xoay sinh ra khi quay hinh phang (H,) xung quanh Ox bang

1
V, = 72'-[ (X2 —1)2dX = % suy ra ménh dé sai

d) Dién tich hinh phang hinh (H) 1a



1
S :j‘ e” —(X2 —1)‘dX: j(ex - X +1)dX:{eX —Xg+ X] :M’ suy ra ménh dé dung.

bl bl o 3e
Mot 6 t6 chuyén dong nhanh dan déu véi van tdc duoc tinh theo thoi gian t bang
v(t) =10t(m/s).
a) Quang duwong 6 t6 di dugc trong khoang thoi gian 5 gidy dau tién la 50 m .
b) Gia t6c chuyén dong cua 6 td la a =10( m/ SZ) .

¢) Quang duong 6 to di duoc trong khoang thoi gian tir 5 gidy dén 10 giay la 375m.
d) Gia st 6 t6 d6 di dwoc 10 giay thi gap chwdéng ngai vat va phanh gap, 6 to tiép tuc chuyén
dong cham dan déu véi gia toc a=-40(m/s’). Khi d¢, quang duong 6 t6 di duoc tir ltc bt
dau chuyén dong dén lic ding han 1a 625 m .
Loi giai:

| a) Sai ‘ b) Bung | c) bung | d) bung |

5 5
a) Tacd: s= Iv(t)dt = letdt = 5t2‘2 =125(m) . Suy ra ménh dé sai.
0 0
b) Ta co: a=V'(t) =10( m/ SZ) . Suy ra ménh dé dang.
10 10
o) Tacé: s = [v(t)dt = [10tdt = 5t2E_)O =500-125 = 375(m) .. Suy ra ménh dé dung.
5 5

d) Tai thoi diém t=105s=v=100(m/s).
Khi d6 v,(t) = jadt =40t +C, ma V,(10) =100 = —-40.10+C =100 = C =500
Khi 6 t& diing hén thi v, (t) =—40t +500=0=t =12,5(s)

10 10 ) 10
Tacé: s, = [v(t)dt = [10tdt = 5t*| * =500(m)
0 0

12,5 12,5 12,5
vas,= [ v(D)dt= | (—4Ot+500)dt:(—20t2+500t)‘10 ~125(m).

10 10
Vay quang duong & to di dugc tir lic bat dau chuyén dong dén lic dung han la
s=5+5, =625(m).

Suy ra ménh dé dung.

PHAN III. CAu tric nghiém tra 16i ngan. Thisinh trd loi tie cdu 1 déi ciu 6.

Caul:

Biét F(x):(ax2+bx+c)\/2x—3,(a,b,ceZ) la moét nguyén ham cia ham sO
2_

f(x)= 20x —30x+11 trén khoang (EH-OOJ.Tinh T=a+b+c.
J2x-3 2

Két qua:

Trinh bay:

Loi gidi:



Cau 2:

Cau 3:

1
2X —
_ (2ax+b)(2x-3)+ax’ +bx+c _5ax*+(3b—6a)x+c—3b
- J2x-3 - J2x-3

Vi F'(x) = f (x) < 5ax’ +(3b—6a)x+c—3b=20x*—30x+11

Ta co: F'(x):(2ax+b)\/2x—3+(ax2 +bx+c).

w

5a=20 a=4
=<i3bhb-6a=-30=b=-2.
c-3b=11 c=5

Dodé T=a+b+c=4-2+5=7.
Cho hinh (H ) giéi han boi truc hoanh, d6 thi cia mot Parabol va mot duong théng tiép xac
v&i Parabol do tai diém A(2; 4), nhw hinh vé bén dudi:
v‘.
7, IO

Rl e e e e e

o N x
Tinh gan ding dén hang phan trim thé tich vat thé€ tron xoay tao boi khi hinh (H ) quay
quanh truc Ox.

Két qua: 3,35

Trinh bay:

Loi gidi:

Parabol c6 dinh 1a gdc toa dd nhu hinh vé va di qua A(2;4)nén 6 phuong trinh y = X°.

Tiép tuyén ctia Parabol d6 tai A(2;4)c6 phuong trinh 1a y =4(x—2)+4=4x-4.

2 2
Suy ra thé tich vat thé tron xoay can tim la V = EI(XZ )2 dx — 7Z'J'(4X - 4)2 dx .
0 1

x5 X3 * 16x
=z.—| 167 ——-Xx*+x | =—=~3,35.
51, 3 ) 15

S6 dan ctia mot thi tran sau t ndm ké tir ndm 1990 dwoc wdce tinh theo mdt ham so theo thoi

gian f(t) (f(t) duoc tinh bang nghin nguoi). Biét rang f'(t) = 2 (nghin ngudi/ndm)

t? + 4t +



Cau4:

biéu thi t6c do tang dan s6 cta thi trdn. S6 dan cua thi tran d6 vao ndm 2035 1a bao nhiéu?
(tinh gin dung dén hang phin chuc) biét dan s ctia thi tran d6 nam 1990 1a 3 nghin nguoi.

K8t qui

Trinh bay
Loi gidi:
34 34 -34
T ,: f,t = = t)=——
acs: (1) t?+4t+4 (t+2)2:> ) t+2

Chon mdc thoi gian la nam 1990.
Dan s§ cua thi tran d6 ndm 19901a 3 nghin ngudinén tacd f (0)=3
Khi d6: —~2 1 C =35 C =20 nén f(t)=—£+20

2 t+2

Ttrndm 1990 dén nam 2035 la 45 ndm nén dan sd caa thi tran ndm 2035 1a
34 906
f (45)=——+20=—— ~19,28 (nghin nguvi).
(45)=-73 27 (nghin nguoi)
Ong A c6 mot cai cdng hinh chit nhat c6 chiéu ngang 5m, 16i vao cdng c6 dang parabol co
kich thudc nhu hinh vé bén dudi:

v
........... - 3
g lmn
\
e 7
hm
1
|
1 0O 1 x

Ong A can trang tri bé mit (phan gach chéo) ctia cdng. Ong A can bao nhiéu tién dé trang
trf, biét gid thanh trang trf 1a 1.200.000d6ng/Im’ (don vi triéu dong)?
Két qua:

Lo gidi:
Chon hé truc toa do nhu hinh vé, khi d6 (P) 6 phuong trinh dang: y=ax*+b .



Cau5:

Cau 6:

Khi do: (2;0);(0;5) € (P) nén ta c6 hé phuong trinh:

2
4
Oza'(ij RPN a_?hay (P):yz—ﬂx2+5.
5
5=b b=5
5

204 50
Khi d6 dién tich phan cong (P) 1a: S, = | (—gxz +5j dx ="

5

2

Suy ra dién tich phan can trang trila: S, = 5.6—% = 4—: .

Vay s0 tién can dung d€ trang tri la: T =1200000. %0 =16000000 (dong).
Toc do tang treong cua mot dan gau meo tai thoi diém ¢ thang ké tir khi nguoi ta tha 100 ca
thé dau tién vao mot khu rimg duoc wde luong boi cdng thire P'(t) =8t +30 (con/théng), véi
P(t)1a s6 luong ca thé€ trong dan tai thoi diém t thang twong tng (Nguodn: Chris Kirkpatrick,
Barbara Alldred, Crystal Chilvers, Beverly Farahani, Kristina Farentino, Angelo Lillo, Ian
Macpherson, John Rodger, Susanne Trew, Advanced Function, Nelson 2012). Dya vao tdc d0 tang
treong da cho, hay wéc tinh s6 ca thé ctia dan gdu meo nay tai thoi diém 3 thang ké tir khi
ching duoc tha vao rimg.
Két qua: 226
Trinh bay:
Loi giai:
Tac6 P(t)=[P'(t)dt = [(8t+30)dt = 4t* +30t +C.
Lai ¢6 ban dau nguoi ta tha 100 ca thé gdu meo:

P(0)=100= C =100 = P(t) = 4t* + 30t +100.
Vay s0 ca thé ctia dan gau meo nay tai thoi diém 3 thang ké tir khi chung dwgc tha vao ring
la P(3)=4.3"+30.3+100 =226 c4 thé.
Cho parabol (P,):y=-X’+4 cét truc hoanh tai hai diém A, B va duong thiang d:y=a
(0<a<4) tai hai diém M, N . Xét parabol (P,) diqua A, B va c6 dinh thudc duong thang
y=a. Goi S, la dién tich hinh phang giéi han bsi (B) va d. S, 1a dién tich hinh phang gi6i
han boi (Pz) va truc hoanh (tham khao hinh vé).



Loi giai:
Goi A, B la cac giao diém cua (Pl) va truc Ox = A(—Z;O), B(2;0).
Goi M, N la giao diém cua (Pl) va duong thr?mg d =M (— 4—a;a), N( 4—a;a).

Nhan thdy: (P,) la parabol c6 phuong trinh y = —% X’ +a.
- Ap dung cdng thiic tinh dién tich hinh phéng ta dwoc:

4 4 3
Sl:ZJ'«M—y.dy 2—5((4—y)2j

o a ax’ i
S, =2I(—Zx2 +aj.dx = 2[—E+axj =

0

4
4

= (4-a)J4-a.
—gapa

3

Theo gia thiét: S, =S, :%(4—a)\/4—a :S?a <::>(4—a)3 =4a°

< a*-8a’°+48a=64<=a*-8a’+48a-64=0——>a~172.
Cach khac:



M N y=a
B
! 0 \
Goi I, I, la dinh (R,),(P,)——1,(0;4), 1,(0;a).
4./(4-a)
, sl=31112.MN=3(4—a)2 4—a=M
Ta co: 3 3 3 .
2 8
5,=301,.AB =?“
4(4-a)
Ta cé: 51252©¥=8—;<:> (4—&)3=2aﬂ)(4—a)3=4a2

<a® -8 +481-64=0——a~1,72.
HET

Hué; 10h20’ Ngdy 11 thdang 01 nam 2025
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Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y cia
quy thay cd cung cdc em hoc sinh! Xin chan thanh cam on!

PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tie cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mét phwong dn.

Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cho f (X), g (X) la cadc ham s6 xac dinh va lién tuc trén R . Ménh dé nao sau day sai?
A. [ /(x)dx=f (x)+c. B. [[f(x)—g(x)Jx=[ f(x)dx—[g(x)x.
C. [ (x)ax =k f (x)dx voimoi ke k. D. [ f(x)+g(x)Jx=[f(x)dx+]g(x)x.

?+5 (m/s). Quang duong vat d6 di duoc tir gidy

Van t6c cua mot vat chuyén dong la V(t) =3t
thtt 4 dén gidy the 10 1a
A. 669 m. B. 696 m. C. 699 m. D. 966 m.
Cho I f (x)dx =3x* +sinx+C . Khang dinh nao sau day diung?
A. f(x)=x’+cosx. B. f(x)=x’-cosx. C. f(x)=6x-cosx. D. f(x)=6x+cosx.
10 6
Cho ham s8 f(x) lién tuc trén doan [0;10] va J. f(x)dx = 7;j f(x)dx=3. Tinh
2

0

2 10
= [ £ ()dx+[ f(x)dx.
0 6
A.P=-4. B. P=10. C.P=7. D. P=4.
Dién tich hinh phéng gii han boi cac d6 thi ham s6 y=x* va y=8-x’ la
A.S=12. B. S=32. C.Szi. D.S:%.
64 3
Ho nguyén ham ctia ham s6 f (x)=e*+11a
1
A. F(x)=e"—x+C. B. F(X)=——e""+x+C.
X+1
C. F(x)=e"+x+C. D. F(x)=xe"+x+C.

Chohamsd y=f (X) ¢ d6 thi nhw hinh vé bén dwdi:

,’14}
y=f«'f/
/3 o|N ‘ /a4 1
|




Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Dién t1ch cta hinh phang gach chéo trong hinh duoc tmh theo cong thitc nao dudi day?

A S= j j B.S—:[Bf dx+j

0
0

0
C.S= jf jf D.S=

4

jf(x)dx.

-3

Goi (H ) 1a hinh phang gidi han boi cac duong y=0; x=1; x=5; y=e*. Thé tich V ctia khoi
tron xoay tao thanh khi quay (H ) quanh truc Ox la

AV = ﬁjle”ldx ) B.V = ﬂjexzdx. C.V= njlezxdx . D.V = nzjexdx )
1 1 1 1

Trong khong gian Oxyz, cho vat thé nam gitta hai mit phang x =0 va x = 3. Biét rang thiét
dién cta vat thé cit boi mit ph:fmg vudng goc véi truc Ox tai diém cd hoanh do
X (0 <x< 3) la mot hinh vuéng canh V9 - x® . Tinh thé tich ctia vat thé da cho.

A. 18. B. 171. C.171x. D. 187.

Choham s8 y = f () c6 tap x4c dinh 1a [-3;3] va c6 d6 thi nhu hinh vé bén dudi:

VA

3
Gia tri cua j f (x)dx bang
-3
A. 6. B. 5. C.12. D. 10.
3
Cho ham s6 f(x) lién tuc trén R va F(X) la mét nguyén ham ctaa f(x), biét J' f(x)dx=9 va

F(1)=2.Tinh F(3).

A. 5. B.7. C.11. D. 7.
) 3x2+2x+m khix>1 . o
Cho ham so f(x) = TeXw ) (m 1a tham s& thuc). Biét rang f (X) c6 nguyén
5-2x khi x <1
ham trén R 1a F(X) théa man F(-2)=-10, khi d6 F(3) béng
A. 36+3m. B. 36. C. 38. D. 30 +3m.

PHAN II. Cau tric nghiém dung sai. Thi sinh trd [0i tie cdu 1 dén cdu 4. Trong méi y a), b), c), d) & mdi cdu,
thi sinh chon diing hodc sai (dién didu X vao 6 chon)

Caul:

Vao nam 2014, dan s6 nudc ta khoang 90,7 triéu nguoi. Gia st dan s6 nudc ta sau t nam
dugc xdc dinh boi ham s8 S(t) (don vi: triéu nguoi), trong d6 toc do gia tang dan s duoc



Cau 2:

Cau 3:

Cau 4:

cho bdi S'(t) =1,2698.e" véi t 1a s& ndm k€ tir nam 2014, S'(t) tinh bé“mg triéu nguoi/
nam.

a) S(t) la mot nguyén ham cta S'(t).

b) S(t)=90,7.e"" +90,7.

c) Theo cong thirc trén, t6c do tang dan sd nudc ta nam 2034 (lam tron dén hang phan muoi
cta triéu nguoi/ nam) khoang 1,7 triéu nguoi/nam.

d) Theo cong thirc trén, dan s6 nudc ta ndm 2034 (lam tron dén hang don vi cua triéu nguoi)
la khoang 120 triéu nguwoi.

Choham s& f(x),g(x) lién tuc trén R .

a)NeuI dX 5vaJ'g :—1 thi j‘[f(x)_g(x):ldxz:%l

b)Né'uj[g( )+2x+3]dx =10 thljg x)dx =3.
1

o) Néu f (x)=e*, F(O):% thi F@=e.

5

d)Néu f (x)=2x+1 g(x)=x- 2th1j dx a+blnc.Khidé: a+b+c=11.
Cho hinh phang (H) gi6i han béi cac dtrong y=x"+3,y=0,x=0,x=2.

2
a) Cong thitc tinh dién tich hinh phing (H) 1a: S, = J (X2 + 3)dx .

0
b) Dién tich hinh phang (H) bang ? .
c) Cong thiic tinh thé tich khdi tron xoay sinh ra khi quay hinh phang (H) xung quanh truc
2
Ox la: V = J.(x2 +3)2dx.
0

d) Thé tich khdi tron xoay sinh ra khi quay hinh phang (H) xung quanh truc Ox bang %

Trong mit phéng OXy, choham s8 y = f (X)=x* —=x—6 ¢4 d6 thi (C) .

a) Thé tich ctia vat thé tron xoay duoc sinh ra khi hinh phang giéi han boi d6 thi (C) va truc

3
hoanh OX quay quanh OX laV = 7ZJ. (X2 - X—6)2 dx .
2

3
b) Dién tich hinh phing gi6i han boi d6 thi (C) va truc hoanh OX 1a S = j (x*—x—6)dx .
2

c) Gia st mét vat M chuyén dong doc theo mot duwong théng sao cho van tOc ctia no tai thoi

diém x (giay) la f (X) =x?—x— 6(m / S) . Khi d6, d¢ dich chuyén ctia vat M trong khoang
9

thoi gian x €[1;4] 1a >

61
d) Téng quang duong ctia vat M & trén di duoc trong khoang thoi gian X € [1;4] 1a — (m)

PHAN III. CAu tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 déi cdu 6.



Caul:

Cau 2:

Cau 3:

Cho ¢ (X) = I f (t)dt, (0 <X< 7) trong d6 f (t) 1a ham s c6 d thi nhu hinh dudi day:
0

f,

Tinh g(3).

Két qua: ]
Trinh bay:

Tinh dién tich hinh phang dwoc gidi han béi cac d6 thi y = = x* vay= {

Két qui —

Trinh bay:

Cho db thi biéu dién van tdc ctia hai xe A va B khéi hanh cting mét Itc va ciing vach xuéat
phat, di cling chiéu trén mot con dwong. Biét d6 thi biéu dién van tdc ctia xe A 1la mot duong
parabol va d6 thi biéu dién van toc ctia xe B 1a mot duong thang nhu hinh vé bén. Hoi sau 5
gidy k€ tir luc xuat phat thi khoang cach gitta hai xe la bao nhiéu mét? (Lam tron dén hang
phan chuc va biét rang xe A sé& dirng lai khi van tdc bang 0).



VA UB
O i ;
|
|
|
1
1
|
1
1
1
:
(0] 3 4 z

Két qua: ]
Trinh bay:

Cau4: Chohinh (H) gidi han bdi d6 thi ham s6 y = ? x?, cung tron ¢ phuong trinh y =+/4-x?

(v6i 0 < x < 2)va truc hoanh (phéan t6 dam trong hinh vé)
.

A

Biét thé tich ctia khé6i tron xoay tao thanh khi quay (H) quanh truc hoanh la
V=(—% 3+§j7r, trong d6 a,b,c,deN" va %,% la cac phan s6 t6i gian. Tinh

P=a+b-c+d.
Két qua: ]
Trinh bay:

Cau5: Cha mot trung tam thuwong mai mudn cho thué mot s6 gian hang nhut nhau. Nguwoi dé mudn
cho thué méi gian hang véi gid 1a x triéu dong (x > 0). Khi d6 doanh thu cta ctra hang dwoc

biéu dién theo ham s& T (x). Tdc d6 thay d6i doanh thu tir cac gian hang d6 dwoc biéu dién



Cau 6:

boi ham s8 T'(x)=-10x+200, trong &6 T’(X) tinh béng triéu dong. Biét rang néu gia thué
cho mdi gian hang la 10 triéu dong thi doanh thu la 1800 triéu dong. Tim gia tri cua x dé
nguoi dé c¢d doanh thu la cao nhat.

Két qua: ]

Trinh bay:

Trong dot hoi trai “Mirng Dang Mirng Xuan” dwoc t6 chiic tai truong THPT Nguyén Van Ci,
Poan treong cé thiee hién mot du an anh trung bay trén mot pano cé dang parabol nhu hinh
vé. Biét rang Doan truong sé& yéu cau cac 16p gii hinh du thi va dan 1én khu vuc hinh chir
nhat ABCD, phan con lai sé dugc trang tri hoa van cho phu hop. Goi S (mét vudng) la dién
tich phan trang tri hoa van nho nhat. Tinh gia tri cia S (lam tron dén hang phan tram).

Két qua: ]
Trinh bay:
HET
Hué; 10h20” Ngay 11 thdang 01 ndm 2025
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PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tie cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mét phwong dn.

Cau1l:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho f (X), g (X) la cadc ham s6 xac dinh va lién tuc trén R . Ménh dé nao sau day sai?

A. [ £/(x)dx=f (x)+c. B. [[f(x)-g(x)Jx=[f(x)dx—[g(x)x.

C. [k (x)dx=k[ f (x)dx voimoi keR.  D. [[f(x)+g(x)Jx=]f(x)dx+[g(x)x.

Loi gidi:

[Kf (x)dx =k [ f (x)dx voi moi k #0.

Van t6c ctia mot vat chuyén dong la v(t) =3t* +5 (m/s). Quing dudng vat do di duoc tir gidy
thtt 4 dén gidy the 10 1a

A. 669 m. B. 696 m. C. 699 m. D. 966 m.

Loi gidi:

10
Quang duong vat d6 di duoc tir gidy thir 4 dén gidy thir 1012 S = j (3t +5)dt =966 m.
4

Cho I f (x)dx =3x* +sinx+C . Khang dinh nao sau day ding?
A. f(x)=x*+cosx. B. f(x)=x-cosx. C. f(x)=6x-cosx. D. f(x)=6x+cosx.
Loi gidi:
Ta c6 jf(x)dx=3x2+sinx+C:> f (x)=6x+cosx.
10

6
Cho ham s8 f(x) lién tuc trén doan [0;10] va J-f(x)dX:7;jf(X)dX:3. Tinh

= j f (x)dx +1JQ f (x)dx.

A P=—4, B. P=10. C.P=7. D.P=4.
Loi gigi:

2 6 10 10 2 10
Tacé: [ £)dx+[ fOdx+ [ F(x)dx=[ f(x)dx = [ f(x)dx+[ f(x)dx=4.

0 2 6 0 0 6
Dién tich hinh phéng gii han boi cac 6 thi ham s6 y=x* va y=8-x’ la
A.S=12 . B.S=32. cs==> . D.s=%.

64 3

Loi gigi:
Phuong trinh hoanh d6 giao diém can tim la



Cau 6:

Cau7:

Cau 8:

Cau 9:

X=2

X =8-x"<=2x*=8o X%’ =4<:>{
X=-2
Dién tich hinh phéng can tim la
2

S= ﬂxz ~(8-x*)|dx= ﬂzx2 —~8|dx = [ (-2x" +8)dx vi 2x* ~8<0,Vxe[-2;2]
-2 -2

-2

3

=S =(—§x3+8xj 2 =—§.23+8.2—(—§.(—2)3+8.(—2)j=% .

Ho nguyén ham ctiaham s6 f (x)=e*+11a

A. F(x)=e"—x+C. B. F(x):iex*1+x+c.
X+1

C. F(x)=e*+x+C. D. F(x)=xe""+x+C.

Loi gidi:

Ta co: F(x)=j(ex+1)dx:ex+x+c.
Choham s8 y = f (X) c6 d6 thi nhw hinh vé bén duéi:

1/‘
y=F r/
/.‘1 0 4 12

Dién tich ctia hinh phang gach chéo trong hinh duoc tinh theo cong thiic nao dudi day?

A. S:ff(x)dx—j‘ f (x)dx B. S :])' f (x)dx+jf(x)dx.
Q.S:j)'f(x)dx—j"f(x)dx. D. S= jf(x)dx.

Lz‘figidz 0 ;
S=£(f(x)—o)dx+£(o— f (x))dx:Lf(x)dx—'([f(x)dx.

Goi (H) 1a hinh phing giéi han boi cac dwong y=0; x=1; x=5; y=¢*. Thé'tich V ctia khdi
tron xoay tao thanh khi quay (H) quanh truc Ox la

AV = ﬂjex*ldx . B.V = ﬂjexzdx. C.V= ;zje”dx . D.V = ﬂzjede .
1 1 1 1

Trong khong gian Oxyz, cho vat thé ndm gifta hai mat phang x=0 va x=3. Biét rang thiét
dién ctua vat thé cat boi mat phang vudng goéc véi truc OX tai di€ém c6 hoanh do
X (0 <x< 3) 1a mot hinh vuong canh +/9—X? . Tinh thé tich ctia vat thé da cho.

A. 18. B. 171. C.171rx. D. 187.

e 20

Loi giai:

Ta cé: V =:[S(x)dx=.:f(\/9—x2 )2 dx=.:f(9—x2)dx=18.

Cau10: Chohamsd y = f(x) ¢ tap xac dinh la [-3;3] va cé d6 thi nhw hinh vé bén dudi:



Cau 11:

Cau 12:

VA

.z/z-n() I 2 3 4

3
Gia tri cua j f (x)dx bang
-3

A. 6. B. 5. C. 12. D. 10.
Loi gidi:

Ta cé: _JS;, f (x)dx :_[_j f (x)dx+.|'_l2 f (x)dx+j f (x)dx

=-S5, s8¢ + Sucoe T Suerg = —%.1.1+%.1.3+%.2.4 =5.

3
Cho ham s6 f(x) lién tuc trén R va F(X) la mot nguyén ham ctaa f(x), biét j f(x)dx=9 va
1

F(1)=2.Tinh F(3).
A.5. B.7. C.11. D. 7.
Loi gidi:

Ta c6 if(x)dx:Q@ FR)-F() =9« F(3)=9+2=11.

3 +2x+m khix>1
5-2x khi x <1
ham trén R 1a F(x) thoa man F(-2)=-10, khi d6 F(3) bang

A. 36 +3m. B. 36. C. 38. D. 30+3m.

Loi gigi:

) x*+ x> +mx+C, khix>1
Tac6 F(x)= _
5X —X* +C, khi x <1

Taco F(-2)=5(-2)-(-2)’+C,=C,=-10+14=4

Cho ham s6 f(x) :{ ( m la tham s8 thuc). Biét rang f (X) c6 nguyén



Tacd limF(x)=lim(x° +x* +mx+C)=m+2+C,

x—1* x—1"

lim F (x) = lim (5x—x* +C, ) =4+C,

x—1" x—1"

F(x) lién tuc tai x=1< limF(x)=lim F(x)=F (1)

x—1" x—1"
&m+2+C =4+C,<C =6-m
Ham s6 f(x) lién tuc tai x=1< lim f(x)=lim f (x)= f(1)

x—1" x—1"

oSm+5=3em=-2=C =8

. x*+x*—2x+8 khi x>1

Vay F(X): , _ )
5x—x“ +4 khi x<1

Do d6 F(3)=38. Vay a+b=15+4=19.

PHAN II. CAu tric nghiém dting sai. Thi sinh trd 10i tir cdu 1 déh cdu 4. Trong mbi  a), b), c), d) & mbi cdu,
thi sinh chon diing hodc sai (dién dadu X vao 6 chon)

Caul:

Cau 2:

Vao nam 2014, dan s6 nudc ta khoang 90,7 triéu nguoi. Gia sit dan sd nudc ta sau t nam
duwoc xac dinh boi ham s6 S (t) (don vi: triéu nguoi), trong dé toc do gia tang dan s6 duoc
cho bdi S'(t) =1,2698."" v4i t 1a s& ndm ké tir ndm 2014, S'(t) tinh bé“mg triéu nguoi/
nam.

a) S(t) la mot nguyén ham cta S'(t).

b) S(t)=90,7.e"* +90,7.

c) Theo cong thirc trén, t6c do tang dan sd nuwdc ta nam 2034 (lam tron dén hang phan muoi
cta triéu nguoi) khoang 1,7 triéu nguwoi/nam.

d) Theo cong thtrc trén, dan s6 nudc ta ndm 2034 (lam tron dén hang don vi cua triéu nguoi)
la khoang 120 triéu nguoi.

Loi gigi:
| a) bang | b) Sai | c) bung | d) bang
a) bung: Ta ¢6 S(t) 1a mdt nguyén ham cua S'(t).
b) Sai: Ta c6
1,2698.6%%%

j S'(t)dt = j 1,2698.e%%dt =1, 2698j 0014 dt - +C =907 4 C

0,014
Vi s (O) =90,7 nén C=0.Suyra S (t) = 90,7.e°’°14t.
¢) bang: T6c d tang dan sd nuwdc ta nam 2034 la S'(ZO) =1,2698.""* = 1,7 (tr nguoi/ nam).
d) bung: Dan sé nuwdc ta nam 2034 1a S (20) =90,7.6”%% ~120 (triéu nguoi).
Choham s& f(x),g(x) lién tuc trén R .
1. 11
a) N x)dx =5 =3 thi || f(x)- dx ==—.
euI X = vajg 1J‘[ (x)-g(x)]dx >
b) Né’uj[g( )+2x+3]dx =10 thi jg x)dx =3.
1

c) Néu f (x)=e*, F(O):% thi F(%)=e.



Cau 3:

2 f(x)
d)Néu f (x)=2x+1 g(x)=x-2 thi I(—dx=a+blnc.Khidé: a+b+c=11.
3

g(x

Loi gigi:

|  a)bung | b) Sai | ¢) Sai | d) Sai
a) bung.

( b : 1) 11
Ta cé: j[f(x)—g(x)]dx:_[f(x)dx Ig( )dx=5- (2)23

1 1 1
b) Sai.

Ta co: i[g( )+2x+3]dx = 10<:>Ig dx+I (2x+3)dx = 10<:>jg x)dx +14 =10

1

@jg X)dx =10-14=—4.

C)Sal.
Tacé: F(x)=f(x)dx= jeSde ¢ +CvaF(O):%:%e3'°+C:%:>C:O.

5 5 . 5
2X+1dx:IZ(X 2)+5d (
3 3

=(2x+5|n|x—2|)E =(10+5In3)—(6+5In1)=4+5In3 nén a+b+c=4+5+3=12.
Cho hinh phang (H) gi6i han boi cac duong y=x*+3,y=0,x=0,x=2.

2
a) Cong thic tinh dién tich hinh phing (H) 1a: S, = J. (X2 + 3)dx .

0
b) Dién tich hinh phang (H) bang ? :
c) Cong thiic tinh thé tich khdi tron xoay sinh ra khi quay hinh phang (H) xung quanh truc

Ox 1a: V = j(x2 +3)2dx.
0

d) Thé tich kh&i tron xoay sinh ra khi quay hinh phang (H) xung quanh truc Ox bang % .

Loi gidi:
‘ a) bung ‘ b) Bung | c) Sai | d) Sai ‘
2
a) Dting. Cong thic tinh dién tich hinh phang (H) la: S, = '[ (X2 + 3) dx.
0
( 26
b) Dting. Dién tich hinh phing (H) 1a S, = [(x*+3)dx= 5
0

c) Sai. Cong thtic tinh thé tich khdi tron xoay sinh ra khi quay hinh phang (H) xung quanh

truc Ox la: V = ﬂi(xz +3)2 dx.
0



Cau 4:

d) Sai.
Thé tich kh&i tron xoay sinh ra khi quay hinh phang (H) xung quanh truc Ox la:

2
V =7zj(x2 +3)2dx:%.
0
Trong mat phang OXy, cho ham s6 y = f (x)= x> —X—6 c6 do thi (C).
a) Thé tich cua vat thé tron xoay dwoc sinh ra khi hinh phéng gi6i han boi d6 thi (C) va truc

3
hoanh OXx quay quanh Ox la V :EI(XZ —X—6)2 dx .
-2

3
b) Dién tich hinh phéng gidi han boi d6 thi (C) va truc hoanh Ox 1a S = _[ (X2 —X— 6)dx .
2

c) Gia st mét vat M chuyén dong doc theo mot duong théng sao cho van toc cuia no tai thoi
diém x (giay) la f(x)=x*—x-6(m/s) . Khi d6 d6 dich chuyén cta vat M trong khoang

thoi gian x €[1;4] 1a %

61
d) Téng quang duong ctia vat M & trén di duoc trong khoang thoi gian x € [1;4] 1a 5 (m).

Loi gidi:
’ a) bung ’ b) Sai | ¢) Sai ‘ d) biang ‘
a) bung: Vi phuong trinh hoanh d¢ giao diém cua d6 thi ham s& véi truc hoanh la
) X=-2
X —x-6=0<
X=3

Thé tich cta vat thé tron xoay dwgc sinh ra khi hinh phéng gidi han boi do thi (C) va truc
hoanh OX quay quanh OX laV = EJS. (X2 — X—6)2 dx .
b) Sai: Dién tich hinh phang gziéi han boéi d6 thi (C) va truc hoanh Ox 1la
S= fﬂxz —x—6‘dx:—j.(x2 —x—6)dx :

5 5

c) Sai. Gia st mot vat chuyén dong trén mot truc nam ngang, chiéu dwong hudng tir trai sang
4 2
. . 1 4 9
phai. Ta cé: j(xz—x—6)dx= - ex | = :
f 3 2 1 2
Vay trong khoang thoi gian tir 1 dén 4 giay, vat dich chuyén sang bén trai dugc 4,5 m so véi
vi tri tai thoi di€ém x = 1 (gidy). (Trong quad trinh chuyén dong, luc thi vat di sang trai, lac thi
vat di sang phai, nhung tai thoi diém x = 4 (gidy) thi vat c6 vi tri nam & bén trai va cach vi tri
cua vat tai thoi diém x =1 (gidy) mot khoang 4,5 m.
d) buang.

Ta cé: ;hxz —x—6‘dx=—_j[(x2 —x—6)dx+;f(x2—x—6)dx=2—?’2+%:%1.

61
Téng quang duong ctia vat M & trén di duoc trong khoang thoi gian X € [1;4] 1a r (m).

PHAN III. CAu tric nghiém tra 10i ngan. Thi sinh trd 0i tie cdu 1 déi cdu 6.



Caul: Cho g (X) = I f (t)dt, (O <X< 7) trong d6 f (t) 1a ham s c6 d thi nhu hinh dudi day:
0

f,

Tinh g(3).
Két qua:
Trinh bay:
Loi gidi:
2 khi 0<t<1
2t khi 1<t<2

12—-4t khi 2<t<3
3-t khi 3<t<5
-2 khi 5<t<6
2t-14 khi 6<t<7

Do dé: g(g)zj f(t)dtzi f(t)dt+j f(t)dt+z[ F(Ept =7.
_10

Cau2: Tinh dién tich hinh phéng dwoc gi6i han béi cac d6 thi y = 3 x* va y= {

Ta co: f(t) =

—x  khi x<1
x—2 khix>1"
Két qua: 6,5

Trinh bay:



Cau 3:

10
Khi X <1, ta xét phuong trinh hoanh d¢ giao diém 3 X—Xx* =—X giai ra nghiém X = 0.

10
Khi X >1, ta xét phuong trinh hoanh d¢ giao diém 3 X—X* = X—2 giai ranghiém x = 3.

. t(10 +(10 13
Vay dién tich hinh phangla S= J‘(?x -x*+ x]dx +J.(?x —x*—x+ Zde == 6,5.
0 1

Cho db thi biéu dién van toc ctia hai xe A va B khéi hanh cting mdt Itc va cung vach xuat
phét, di ciing chiéu trén mot con duong. Biét do thi bidu dién van tdc cta xe A 1a mot duong
parabol va d6 thi biu dién van toc ctia xe B la mot dwong thang nhw hinh vé bén. Héi sau 5
gidy ké tur ltc xuat phat thi khoang cach gitta hai xe la bao nhiéu mét? (Lam tron dén hang
phan chuc va biét rgmg xe A sé dirng lai khi van t6c bang 0).

l\y

VA UB
1) S (SR— :
|
1
1
I
1
|
! .
(0] 3 4 z
Két qua: 36,7

Trinh bay:

Loi gigi:

Db thi biéu dién van tdc ctia xe A 1a (P) c6 phuwong trinh: v, = at” + bt + ¢ (a = 0) di qua diém
(0;0);(3;60);(4,0) = v, = -20t* +80t .



Cau 4:

Db thi biéu dién van toc ctia xe B 1a duong thang A cd phuong trinh: v, =mt+n(m=0) di
qua diém (O;O);(S; 60) = vy =20t.
Taco: v, = —20t> +80t=0=t=4 nén xe A ding lai sau gidy thi 4.

4
Do d6 quang duong xe A di dugc sau 4 gidy la S, = I(—ZOtZ +80t)dt = %(m) .
0
5

Quang duong xe B di dwoc sau 5 gidy dau la S, = j(ZOt)dt =250(m)
0

Khoang c4ch gifra hai xe sau 5 gidy ké tir lic xuat phat1a AS =[S, —Sy|= % ~36,7(m).

Cho hinh (H) gidi han béi d6 thi ham s6 y = ? x%, cung tron ¢ phuong trinh y =+/4-x?

(v6i 0 < x < 2)va truc hoanh (phéan t6 dam trong hinh vé)

A

Biét thé tich cua khéi tron xoay tao thanh khi quay (H) quanh truc hoanh la
V=(—% 3+§j7r, trong d6 a,b,c,deN" va %,% la cac phan s6 t6i gian. Tinh
P=a+b-c+d.

Kt qui

Trinh bay:

Loi gidi:

Phuong trinh hoanh d6 giao diém:

V4-x? :gx3 c>2—17x6 =4-x* & x° +27x*-108=0= x* =3=x=4/3

Ta thdy thé tich ctia khdi tron xoay tao thanh khi quay (H) quanh truc hoanh bang
V =V, +V,.

Trong do:

+) Vlz{XG[O;«@]yzﬁx?*,Ox}.

9



Cau5:

Cau 6:

V3 2 NE) 7|v3
Ta cé: V1=7Z"[ ﬁxs dX:nJiXGdX:i.X—
A 27 27 7

0

+)V, :{XE[ﬁ;Z],y:m,Ox}.
Ta cé: V, :ﬁj‘(\/ﬁ)z dX:ﬁj‘(4—X2)dX
B

(a-gj- (+3-48)=" 325
167 o 3. nf (%+§).

Khi do, tacé: V =V, +V, :__
7 3

a=20

Suyra:{  =P=a+b-c+d=14.
c=16

d=3
Cha mét trung tam thwong mai mudn cho thué mot s6 gian hang nhu nhau. Nguoi dé mudn
cho thué méi gian hang vdi gid 1a x triéu dong (x > 0). Khi d6 doanh thu ctia ctra hang duoc
biéu dién theo ham s& T (x). Tdc d thay d6i doanh thu tit cac gian hang dé duoc biéu dién
boi ham s8 T'(x)=-10x+ 200, trong d6 T'(x) tinh béng triéu dong. Biét rang néu gia thué
cho mdi gian hang 1a 10 triéu dong thi doanh thu la 1800 triéu dong. Tim gia tri ctia x dé
nguoi dé ¢d doanh thu la cao nhat.
Két qua:
Trinh bay:
Loi giai:
Tacé: T(x) = [T'(x)dx = [(~10x+200)dx = -5x* +200x +C,C e R.
Khi gia cho thué mdi gian hang 1a 10 triéu dong thi doanh thu 1a 1800 triéu dong nén ta c6
T(10)=1800 = C =300,

Vay T(x)=-5x2 +200x +300 = —5(x — 20)” + 2300 < 2300,

Dédu "=" xay ra khi x=20.

Suy ra doanh thu cao nhat ma chua trung tam thuwong mai c6 thé thu vé la 2300 triéu dong va
khi d6 mdi gian hang ¢4 gia cho thué 1a 20 triéu dong.

Vay x =20 (triéu dong).

Trong dot hdi trai “Murng Dang Murng Xuan” dwoc to chic tai truong THPT Nguyén Van Ctr,
Doan treong cé thiee hién mot du an anh trung bay trén mot pano cé dang parabol nhu hinh
vé. Biét rang Doan triedong sé yéu cau cac 16p gtri hinh dy thi va dan 1én khu viee hinh chit



nhat ABCD, phan con lai sé dugc trang tri hoa van cho phu hop. Goi S (mét vudng) la dién
tich phan trang tri hoa van nho nhat. Tinh gia tri ctia S (lam tron dén hang phan tram).

Két qua: 4,51

Trinh bay:

Loi giai:

bat hé truc toa d6 nhu hinh vé, khi d6 phuwong trinh deong parabol c¢6 dang: y = ax’+b.

AY
4 B
4m
D O \c *
= = =>
- 4im =

Parabol cat truc tung tai diém (0;4) va cat truc hoanh tai (2; 0) nén:

b=4 a=-1
= .
a2’+b=0 b=4

Do d6, phuong trinh parabol 1a Yy =-X*+4.
Dién tich hinh phéng gi¢i han boi dwong parabol va truc hoanh la:

2 32
Slzj'(—x +4)dx: —?+4x =—.

-2

-2

Goi C(;0) = B(t;4—t) véi 0<t<2.

Ta c6 CD =2t va BC =4t Dién tich hinh chit nhat ABCD la
S,=CD.BC =2t.(4-t") =-2t°+8t.



Dién tich phan trang tri hoa van la:

32

S=5,-5, :?—(—2t3+8t)

=2t —8t+—.
3

32

Xét ham s f(t):2t3—8t+3—32 voi 0<t<2.

Ta co f’(t):6t2—8:O =

Bang bién thién:

2

t:—e(O;Z)

o o

t=——-¢(0;2)

NE

0 = 2
B3
0 +

Nhu vay, dién tich phan trang tri nho nhat 1a bang

\ﬂ/

9
963203 12 4 51m.

HET

Hué, 10n20’ Ngay 11 thang 01 ndm 2025



TRAC NGHIEM CHUYEN BE
Mén: Toan 12 - KNTT
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Lép Toan thidy LE BA BAO
Truong THPT Ding Huy Tr SDT: 0935.785.115 Facebook: Lé Ba Bao

116/04 Nguyén L6 Trach, TP Hué Truni tdm Km10- Huong Tra — Hué

Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y ciia
quy thiy co cung cdc em hoc sinh! Xin chin thanh cam on!
PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mét phwong dn.

Ciul: Chohamso f (x) cO dao ham lién tuc trén R va & 1la mot sO thuec. Khéng dinh nao sau day

A. Uf(x)dx]' = f(x). B. [[/(x)]de=r(x)+C.
C. [k (x)dx=k]f(x)dx. D. [[f(x)+k]de=f(x)dx+[hdx.

Cau2: Chohamso y=f (x) lién tuc trén doan [1;3] . Dién tich hinh phéng gi6i han boi d6 thi ham

sO y:f(x), truc hoanh va cac duong thzfmg x=Lx=31a
3 3 3 1
A S=[f(x)dx.  B.S=[f(x)dx.  CS=-[f(x)dxr. D.S=[]f(x)dr.
1 1 1 3
5

2 5
Cau3: Néu [f(x)dr=-1va [f(x)dr=3 thi [-2f(x)dx bing
1 2 1

A 2. B. 4. C. 4. D. 2.

/ 3 \ A \ ? \ n \ 4 \
Cau4: Hams6 F(x)=¢" languyén ham caa ham sd nao trong cac ham s6 sau?

x}

A. f(x)=3x"e". B. f(x)zxz.exz. C. f(x)=e3x2. D. f(x):3e =
x
Cau5: Ménh dé nao dudi day dung?
A. jzdxzzln“c. B.jzdx=21n|x|. C. Igdx:2ln|x|+C. D. Izdx:1n|x|+C.
x x x x

Cau6: Chohams6 y=f(x) lién tuc, khéng &m trén doan [a;b] nhu hinh bén dudi:
7

&)
‘y .

S




Cau7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Hinh phang (H) gi6i han boi d6 thi ham s6 y = f(x), truc hoanh va hai duwong thang x=a;
x=b quay quanh truc Ox tao thanh mot khdi tron xoay c6 thé tich bang

A.V:ﬂj[f(x)]zdx. By=[lf(ac.  Cr=[[f(x]dc. D.v=rf[/(x)] d.

Néu j.f(x)dx=2 va jg(x)dx:—4 thi i[f(x)+g(x)]dx bang

A. -6. B. 2. C. 6. D. 2.
, 2x*—x khi x<0 f
Chohamsd f(x)= . Tinh tich phan x)dx.
f( ) {sinx khi x>0 P ;[f( )
A.E. B.z. C. —é. D.Q.
6 6 6 6

Dién tich hinh phang giéi han boi d6 thi ham s3 y = x’ —3x?, truc hoanh va hai duong thang
x=-2;x=3 béng
27 11 75

A = B. —. C. —. D.12.
4 4 4

Thé tich khéi tron xoay duoc tao thanh khi quay hinh phang giéi han boi d6 thi ham s&
y =x*—2x va truc hoanh quanh truc hoanh bang
4 4 16 167

A —. B. —. C. —. D. —.
3 3 15 15

Cho mot vat thé gidi han boi hai mat phzfmg vuong goc voi truc Ox tai cac diém cé hoanh do
x=-1 va x=1. Mot mat phzfmg vudng goc véi truc Ox tai x (—1 <x< 1) cit vat thé d6 theo

mot mit cit 1a hinh vuong cd canh béng J1=x* . Thé tich cta vat thé do béng

Al B. 2T c.t D. 5T
5 5 5 5

Goi S, la dién tich hinh phang giéi han boi d6 thi ham s6 y =e", truc hoanh, truc tung va
duong thang x=a (a>0). Goi S, la dién tich hinh phéng gi6i han boi d6 thi ham s8 y =e”,
truc hoanh, truc tung va duong thang x =5 (b>0). Biét S, =55, +4, khi d6 b—a bang

A. In5. B. —In5. C.5. D. -5.

PHAN II. Cau tric nghiém ding sai. Thi sinh tré 10i tie cdu 1 dén cdu 4. Trong mbi y a), b), ¢), d) & mbi cdu,
thi sinh chon diing hodc sai (dién diau X vao 6 chon)

Caul:

Mot khinh khi cau bay véi dd cao (so voi mat nude bién) tai thoi diém ¢ 1a h(t ), trong do ¢
tinh bing phut, /(¢) tinh bing mét. Téc d6 bay ctia khinh khi cau dugc cho bdi ham s8
v(£)=-0,12¢* +1,2¢ véi v(t) tinh bing mét/phut. Tai thoi diém xudt phét (#=0) khinh khi

cau 0 d0 cao 520m.

a) h(1)=-0,04£ +0,6¢° (0<7<29).



Cau 2:

Cau 3:

Cau 4:

b) Tai thoi diém ¢ =3 phut d6 cao cta khinh khi cau la 524,32 m.

©) D6 cao tdi da ctia khinh khi cau bay la 540 m.

d) Sau 15 phat ttr khi xuat phat thi khinh khi cau tré lai d6 cao khi bat dau xuat phat.

Cho cdc ham s8 y = f(x),y =g (x) lién tuc trén doan [0;1] va c6 d6 thi nhu hinh bén. Hinh
phéng (H) giéi han béi d6 thi cdcham sd y = f(x),y = g(x) va hai duong thang x=0,x=1.

2N =f(x)

yA

y=gx)

0

.
B>

X

ok 90 0w v 0m o e

a) Dién tich hinh phang gidi han boi d6 thi ham s§ y = f(x), truc hoanh va hai dwong thing
1

¥=0,x=11a S=[f(x)dr.
0

b) Thé tich vat thé tron xoay duoc tao thanh khi quay hinh phang giéi han béi &6 thi ham s8

1
y= f(x) , truc hoanh va hai duwong theing x=0,x=1 quanh truchoanhla V' = Ifz (x)dx .
0

1
¢) Dién tich hinh phang (H) 1a 8= [[ f(x)-g(x)]dx.
0
d) Thé tich vat thé tron xoay duwoc tao thanh khi quay (H) quanh truc Ox la

v o] ()= (o]

2
Xétham s§ f (x) =22
X

trén khoang (0;+00).
a) f(x)= x+%.
b) If(x)dx:%2+21nx+c.
©) Goi F(x) 1a mdt nguyén ham cta f(x) trén khoang (0;+) théa man F(1)= % Khi d6
F(4)=9+4mn2.
d) Néu jkf(x)dxz 5 thi ke(1;2).
1

Cho hinh phang (H ) gi6i han boi cac duong y =2x°(C,),y* = 4x(C,). Khi dé:
a) Cac duong (C,) va (C,) déu di qua hai diém 0(0;0) va M (1;2).

2
b) Dién tich ctia hinh phang (H) 1a § = [[2x* ~ 2| dx.
0

) Thé tich cta vat thé tron xoay duwoc tao thanh khi quay (H) quanh truc hoanh la



V= ﬂj(4x—4x4)dx.

0

d) Néu % - %.ﬂ' (v6i % 1a phan 8 t6i gian) thi 2a—b=17.

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén ciu 6.

Caul:

Cau 2:

Cau 3:

Cau 4:

201 1
Biét F(x) 1a mot nguyén ham cta ham s8 €™ va F(0)= EN Tinh gia tri F(Ej (két qua

quy tron dén hang don vi).

Két qua:

Trinh bay:

2 -x
Biét je*.(l— - jdx —¢* +ae+b.In2,(a,beZ). Tinh gid tri biéu thitc P="2 +bb
| X a.
Két qua:
Trinh bay:

Gia st loi nhuan bién (tinh theo triéu dong trén tan) ctia mot loai san pham cua nha may
duoc tinh theo cong thitc P'(x)=18-0,04x. Trong d6 P(x)(tinh bang triéu dong) la loi
nhuén thu duoc khi ban x tdn san phdm. Goi chénh léch 1oi nhuén khi ban 100 tdn san pham
so voi khi ban 50 tan san pham 1a a triéu dong. Tinh gia tri cta a.

Két qua:

Trinh bay:

Cho chiéc trong nhw hinh vé, c6 duong sinh la nira elip duoc cit boi truc 16n véi do dai truc
16n bang 80 cm, d6 dai truc bé bang 60 cm va day trong 1a hinh tron c6 ban kinh bang 60 cm.
Tinh thé tich V' cua chiéc trong (két qua lam tron dén hang don vi).



Cau5:

Cau 6:

— duong sinh

Két qua:

Trinh bay:

Mot ngudi c6 miéng dat hinh tron ¢ ban kinh bang 5 m. Nguoi nay tinh trong cay trén
manh dat do, biét mdi mét vudng trong cay thu hoach dwoc 100 nghin. Tuy nhién can c6 1
khoang trong dé€ dung 1 cai choi va d€ d6 dung nén nguoi nay bét lai 1 phan dat nho khong
trong cdy (phan mau trang nhu hinh vé), trong d6 4B = 6m . Hoi khi thu hoach cay thi nguoi
nay thu dugc bao nhiéu nghin déng?

Két qua:

Trinh bay:

Mot hoa van trang tri duoc tao ra ttt mot miéng bia mong hinh vuéng canh bfmg 10 cm bfmg
cach khoét di bdn phan bang nhau c6 hinh dang parabol (nhw hinh vé).



Bi€t AB=5cm, OH =4cm . Tinh dién tich bé mdt hoa van dé (két qua quy tron dén hang phiin
chuc).

Két qua:

Trinh bay:
HET
Hué, 10h20’ Ngdy 27 thding 10 ndm 2025
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PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Cau1l:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho ham s6 f (x) cO dao ham lién tuc trén R va & la mot sO thuec. Khéng dinh nao sau day

A. Uf(x)dx]' = f(x). B. [[f(x)]dx=r(x)+C
C [kt (x)de=k[ f(x)dx. D. [[f(x)+k]de=f(x)dx+[hdx.
Loi gidi:

Theo tinh chét cia nguyén ham thi khing dinh [ (x)dr = k[ f(x)dx 1a sai vi thiéu diéu
kién k#0.

Chohams6 y=f (x) lién tuc trén doan [1;3] . Dién tich hinh phéng gi6i han boi d6 thi ham
S0 y= f(x) , truc hoanh va cac duong thzfmg x=Lx=31a

3 3 3 1

A S=[|f(x)dx.  B.S=[f(x)dr.  C.S=-[f(x)dx. D.S=[|f(x)dx.

1 1 1 3

.....

3
Ap dung cong thtic tinh dién tich hinh phang: S = ” f (x))dx
1

Néu [ f(x)dr=-1va jf )dx =3 thlj ~2f(x)dx bang

1

A. 2. 5. vy C. 4. D. 2.
Loi gidi
Ta cé: _[—2f =—2jf =—2Uf(x)dx+if(x)de=—2(—1+3)=—4.
I I 2
Ham s§ F(x)= ¢* 13 nguyén ham ctia ham s8 ndo trong c4c ham s sau?
A. f(x)= 3x%e" . B. f(x)= et C. f(x)= e D. f(x)= 3;:
Loi giai

Tacod f(x)=F'(x) suyra f(x)=3x2.ex3.

Ménh dé nao dudi day dung?

A. J.%dx:2lnx+C. B.jzdx=21n|x|. gjgdx=21n|x|+c. D. Izdx:1n|x|+C.
x x x x



e 2.

Loi giai:
Ta c6 jzdxzzjldxzzln|x|+c.
x x
Cau6: ChohamsG y= f(x) lién tuc, khéng am trén doan [a;b] nhu hinh bén dudi:
7
L= j\)(‘

S

Hinh phang (H) gi6i han boi d6 thi ham s6 y = f'(x), truc hoanh va hai duwong thang x=a;

x =b quay quanh truc Ox tao thanh mot khéi tron xoay c6 thé tich bang

A.V:ﬂ;f[f(x)]zdx. B.V:ﬁf(x)\dx. C.V:j.[f(x)]zdx. QV:ﬂj.[f(x)]zdx;

e 2.

Loi gidi:

Ta co: Vzﬁifz(x)dx.

Cau7: Néu j.f(x)dx:2 va j.g(x)dx:—4 thi j[f(x)+g(x)]dx bang

1
A. 6. B. 2. C. 6. D. 2.

e 2.

Loi giai:
Ta co _{[f(x)+g(x)]dx=!f(x)dx+!g(x)dx=2+(—4)=—2.

2x*—x khi x<0

Cau8: Chohamsd f(x):{ . Tinh tich phan [ f (x)dx.
-1

sin x khi x>0
A.E. B.é. C. —E. Q.Q.
6 6 6 6
Loi giai:
N 0 g _ 0 2 T . _7 _19
Ta co: ]—Jllf(x)dx+'|.0 f(x)dx—L(2x —x)dx+J-0 sin xdx —g+2—€.

Cau9: Dién tich hinh phéng gi¢i han bdi d6 thi ham s6 y = x* —3x?, truc hoanh va hai duong thang
x=-2;x=3 bé“mg
27 11 75

A, —. B. —. C. —. D. 12.
4 4 4
Loi gigi:
3 3 x4 3 75
S:f‘x3—3x2‘dx:‘j(x3—3x2)dx:(——x3} =—
° ° 4 5 4

Cau10: Thé tich khéi tron xoay duoc tao thanh khi quay hinh phang giéi han boi d6 thi ham s&
y=x"—2x va truc hoanh quanh truc hoanh bang



Cau 11:

Cau 12:

AL B. 47 c. lo D. 17
3 3 15 15

Loi giai:
Tacd x> —2x=0<=x=0 hodc x=2.
Thé tich can tim la

[ 2 2 . 4 3 2 xS 4 4x3 ’ 167
V:ﬂj(x —2x) dx=7rj(x —4x” +4x )dx:ﬂ x| =222

0 0 5 3 15

Cho mot vat thé gidi han boi hai mat phéng vudng goc voi truc Ox tai cac diém cd hoanh do

x=-1 va x=1. Mot mat phéng vuodng goc vai truc Ox tai x (—1 <x< 1) cit vat thé d6 theo

mot mit cit 13 hinh vuong c6 canh b:;“mg VJ1-x* . Thé tich cta vat thé do6 b?mg

Al B. 2T cd D. 87
5 5 5 5
Loi gidi:

Thé tich can tim Ia ¥ = js(x)dx=j(1—x4)dx=(x—x—5]

-1 -1

Goi S, 1a dién tich hinh phzfmg gioi han boi d6 thi ham s6 y =e*, truc hoanh, truc tung va
duong thang x=a (a>0). Goi S, la dién tich hinh phéng gi6i han boi do thi ham s8 y =e”,
truc hoanh, truc tung va duong thang x =5 (b>0). Biét S, =55, +4, khi d6 b—a bang

A. In5. B. —In5. C.5. D. -5.

Loi gidi:

b
Ozeb—l (vi e* >0 VxeR)

a b
Ta co: S, :Ie"dx:e’“ Z =e'-1; S, :Iexdx:ex
0 0

Vi S, =55 +4 nén e’ —1=5(e"~1)+4 < " =5¢* < =5 < b-a=In5.

PHAN II. Cau tric nghiém duang sai. Thi sinh trd loi tir cdu 1 dén cdu 4. Trong moi ya),b)c)do mbi cdu,
thi sinh chon diing hodc sai (dién diau X vao 6 chon)

Caul:

Mot khinh khi cau bay vé6i d6 cao (so v6i mit nuée bién) tai thoi diém ¢ 1a /(t), trong d6 ¢
tinh bing phut, /() tinh bing mét. Téc d6 bay ctia khinh khi cau duoc cho boi ham s8
v(t)=-0,12¢* +1,2¢ véi v(t) tinh bing mét/phut. Tai thoi diém xudt phét (#=0) khinh khi

cau 0 d0 cao 520m.

a) h(1)=-0,04£ +0,6¢° (0<7<29).
b) Tai thoi diém ¢ =3 phut d6 cao cua khinh khi cau la 524,32 m.
©) D6 cao tdi da ctia khinh khi cau bay la 540 m.



Cau 2:

d) Sau 15 phat ttr khi xuat phat thi khinh khi cau tré lai d6 cao khi bit dau xuat phat.
Loi gidi:
a) Sai. Do cao ctia khinh khi cau (so v6i mat nwde bién) tai thoi diém ¢ la
h(t)=[v(e)de = [(-0,12¢ +1,2¢ Jdt = 0,06 +0,6¢* +C .
Tai thoi diém xudt phat (7 =0)khinh khi cu & d6 cao 520m nén C =520.
Vay h(t)=-0,04r+0,6¢* +520.
b) Dung. Tai thoi diém (=3 phat dd cao cta khinh khi cau
h(3)=-0,04.3"+0,6.3" +520 =524,32 m.
¢) bung. Do cao t6i da ctia khinh khi cau bay 1a 540 m
Xét h(t)=-0,04r"+0,6t* +520.

' 2 1= 0
W (t)=-0,12¢*+1,2t =0 < :

t=10

Bang bién thién:

t 0 10 29
i #) + -

540
h(f) / \
20
40 04

Tt bang bién thién, d6 cao t6i da cta khinh khi cau khi bay la 540 m.
d) Buang. Khinh khi cau trd lai dd cao xudt phat khi:

t=0

h(t) =520 <—-0,04¢’ +0,6* + 520 = 520 < —0,04¢* + 0,61° = 0 < 15

Vay sau 15 phat thi khinh khi cau tro lai d6 cao xudt phat.

la

Cho cac ham s§ y = f(x),y=g(x) lién tuc trén doan [0;1] va c6 d6 thi nhw hinh bén. Hinh

phéng (H) giéi han boi d6 thi cicham s§ y = f'(x),y = g(x) va hai duong thang x=0,x=1.

e

y=gx)

0

.
B>

X

ok 90 0w v 0m o e

a) Dién tich hinh phang gi6i han boi d6 thi ham s8 y = f(x), truc hoanh va hai dwong théng

1
¥=0,x=11a S=[f(x)dr.
0

b) Thé tich vat thé tron xoay dwoc tao thanh khi quay hinh phang giéi han boi d6 thi ham s&

1
y = f(x), truc hoanh va hai dwong thang x =0,x =1 quanh truc hoanh 1a V' = Ifz (x)dx.
0



Cau 3:

Cau 4:

1
) Dién tich hinh phang (H) 1a S = [ f (x)—g(x)]dx.
0
d) Thé tich vat thé tron xoay duoc tao thanh khi quay (H ) quanh truc Ox la

v o] ()¢ (e

Loi gidi
‘ a) bung ‘ b) Sai | c) Dung ‘ d) Dung
2
Xéthamsé f(x)= X 2 trén khoang (0;+o).
a) f(x)=x+ 2
< ¥ .

b) [ f(x dx—?+21nx+C

©) Goi F(x) 1a mdt nguyén ham cta f(x) trén khoang (0;+) thoéa man F(1)= % Khi d6
F(4)=9+4In2,

4
d) Néu jkf(x)dxzs thi ke(1;2).

e 2.

Loi gidi:

a) dang. f( ) X +2

o f(x)=x+2.

X

2
b) Ping. Véi xe(0;+00),ta c6: If(x)dx:j(x+gjdx=%+21nx+c.
X

¢ dang. Goi F(x) la mdt nguyén ham cta [ (x) trén khoang (O;+oo) thi
2

F(x):%+21nx+C.

2

2
Vi F(l):% nén 15+21n1+C=%:>C:1 .Suy ra F(4):4?+21n4+1:9+41n2.

d) Sai. jkf(x)dx:kj.f(x)dx:k[F(4)—F(1)]:k(9+4ln2—%]:k(%s 41n2j.

1

4
Suy ra: ka( )dx = 5<:>k( +4ln2j 5c>k:15;z0,487.
L ?+4ln2

Cho hinh phang (H) gi6i han boi cac duong y =2x°(C,),y* = 4x(C,). Khi dé:
a) Cac duong (C,) va (C,) déu di qua hai diém 0(0;0) va M (1;2).

b) Dién tich ctia hinh phang (H) 1a S = HZx —2x|dx ‘
) Thé tich cta vat thé tron xoay duwoc tao thanh khi quay (H) quanh truc hoanh la

V= ﬂj-(4x—4x4)dx.



d) Néu % - %.z (v6i % 1a phan s t6i gian) thi 2a—b=17.

Loi giai:
| a) Dung | b) Sai | 0 Pung | d) Sai

a) D06 thi hai duong déu di qua hai diém O va M .

b) S=h2x2 —2\/;‘dx:j‘(2\/;—2x2)dx.
Q) Vzﬂz!-|:(2\/;)2 —(2x2)2}dx:7r.([(4x—4x4)dx.

‘ 42 2. 2
d) Ta o S=J(2\/;—2x2)dx=[—x2——x3) == va
) 37 037 )3
1 1
V=ﬂj(4x—4x4)dx=ﬁ(2x2—ﬂx5) _om
0 5 0 5

Suy ra gzg?ﬂ,dodé a=9;b=5 hay 2a-b=13.

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén ciu 6.

Caul:

Cau 2:

201 1
Biét F(x) la mot nguyén ham cta ham s§ €™ va F(0)= - Tinh gia tri F[Ej (két qua

quy tron dén hang don vi).

Két qua:

Trinh bay:
Loi gidi:
Két qua: 101.

1
Ta co J.ez"dx:E-ezx+C.

201 1,

201
Theodératadu’oc:F(O)z 5 <:>§-e +C=—<

C=100.

1
Vay F(x)=lez"+IOO:>F(lj=le22 +100=le+100z101.
2 2) 2 2
2 —X
Biét Ie".(l— ¢ jdx =’ +ae+b.In 2,(a,b € Z). Tinh gia tri biéu thiec P = a+bb
1 x a.




Cau 3:

Cau 4:

Loi giai:
Két qua: -2.

2 _x —
Ta co Iex.(l—e jdx:ez—e—ln2:{a . Vay P=a+b=—2.
1 X b=-1 ab

Gia st 1oi nhuén bién (tinh theo triéu dong trén tan) cia mot loai san phdm cua nha may
duogc tinh theo cong thic P'(x)=18-0,04x. Trong d6 P(x)(tinh bang triéu dong) la loi
nhuan thu duoc khi ban x tan san phdm. Goi chénh léch 1oi nhuén khi ban 100 tan san pham
so voi khi ban 50 tan san pham 1a a triéu dong. Tinh gia tri cta a.

Két qua:

Trinh bay:

Loi gidi:

Két qua: 750.
100 100 100

Ta cé: P= j P'(x)dx = j (18-0,04x)dx = (18x—0,02x")| ~ =750.
50 50

Vay su thay ddi loi nhuan khi ban duoc tir 50 tin san phdm dén 100 tAn san phadm bang 750
triéu dong.

Cho chiéc trong nhw hinh vé, c6 duong sinh la nira elip duoc cit boi truc 16n véi d6 dai truc
16n bang 80 cm, d6 dai truc bé bang 60 cm va day trong 1a hinh tron c6 ban kinh bang 60 cm.
Tinh thé tich V' cua chiéc trong (két qud lam tron dén hang don vi).

— dutng sinh

Két qua:

Trinh bay:



Cau 5:

bat hé truc toa do Oxy nhu hinh vé (truc hoanh la truc cua chiéc trong, goc toa do 1a trung
diém ctia duong cao chiéc trong, don vi: dm).

...
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2 2

Goi (E) 1a elip c6 phuong trinh ic—6+% =1 thi anh cta (E) qua phép tinh tién theo vecto

- 2 _6 2
u(0;6) la elip (E') c6 phuong trinh x_6+(y 5 ) =1.
Suy ra, phuong trinh ctia duong sinh la: y =6 —%\/16 —-x7.

4 2
Do d6, thé tich ctia chiéc trong la: ¥ =7 | (6 - %\/16 —x j dr~345 (dm’).
—4

Mot ngudi cd miéng dat hinh tron c6 ban kinh bang 5 m. Nguoi nay tinh trong cay trén
manh dat d6, biét méi mét vudng trong cay thu hoach duoc 100 nghin. Tuy nhién can c6 1
khoang trong dé€ dung 1 cai choi va d€ d6 dung nén nguoi nay bét lai 1 phan dat nho khong
trong cdy (phan mau trang nhu hinh vé), trong d6 4B = 6m . Hoi khi thu hoach cay thi nguoi
nay thu dugc bao nhiéu nghin déng?




Cau 6:

Két qua:
Trinh bay:

Dién tich miéng dat 1a S, = nR* =251 (m2).
Chon hé truc toa d¢ Oxy nhu hinh vé. Ta cé phwong trinh ctia dwong tron bién la
x*+y =25,
R=5AH=3=0H =4.
= Phuong trinh ctia cung tron nhd AC 1a y=+25-x,véi 4<x<5.

5
= Dién tich phan dat trdng la S, =2[ 25— x dx (m2).
! 5
= Dién tich phan dat trong cdy la § =5, -5, = 25n-2[ 25— x"dx.
4

5
= S0 tién thu duwocla T'=100S =100(25x—2 J- V25— x"dx) ~ 7445 (nghin dong).
4

Mot hoa vén trang tri duoc tao ra tit mot miéng bia méong hinh vuong canh bang 10 cm bang
cach khoét di bén phan bang nhau c6 hinh dang parabol (nhuwt hinh vé).

Biét AB=5cm, OH =4cm . Tinh dién tich bé mdt hoa van dé (két qua quy tron dén hang phiin
chuc).



Két qua:

Trinh bay:

Loi giai:

Két qua: 46,7.

Dién tich bé mat hoa van la S =107 (cmz)—4SO (cmz), trong d6 §, la dién tich ctia Parabol.

Chon hé truc toa ddé nhu hinh vé bén dwdi:

T L. N T prpepay—,

Parabol c6 dinh 0(0;0) va di qua diém B(%AJ nén c6 phuong trinh 1a y = gxz )

Dua vao hinh vé. Phan Parabol can tinh dién tich giéi han bodi cac duong

16 , 5
=—x,y=4,x=0,x=—
y 25 y
5
2
Do do¢, S, :21-(4—Ex2)dx:ﬂ (cmz).
0 25 3

Vay dién tich bé mit hoa vanla §=10"-4S, = 100—4.? = %cm2 ~ 46,7 cm’

HET
Hué, 10h20” Ngay 27 thdng 10 ndm 2025




