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TAI LIEU HOC TAP TOAN 10 CHUONG 4: BAT BANG THUT. BAT PHUONG TRINH
cnii 4 (a) BA'T DANG THUC
BAT PHUGNG TRINH

1. BAT DAIIG THUC

1. Tinh chal:
Diéu ki¢n Néi dung
Cong hai vé voi so bat ki a<boea+c<b+ce (1)
Bac cau a<bvab<c &a<c (2)
. . 2 1c>0 a<b&ac < be (3a)
han h
Nhan haive 7= a<beac> be (3b)
. . . a<b
Cong ve theo vé cdc BPT cung chiéu <d}<:>a+6<b+d (4)
c
A £ cq o A . . 0<a<b
Nhan 2 vé BDT khi biét né duong: o ac <bd (5)
a>0¢>0 O<c<d
Nang lén lity Mii lé a<bea <b! (6a)
thira véi ne Z© | Mii chan 0<a<boa™ <b™ (6b)
Co o a20 a<beJa<b (7a)
Lay can hai vé T
a bat ky a<befa<ib (7b)
; 1 1
) a, b cung dau a>bes —<— (8a)
Nghich a
dao o 1 1
a, b khdc dau a>b<:>—>g (8b)
a

w Luu y:
v’ Khong cé qui tic chia hai vé bat ding thirc cung chiéu.
v’ Ta chi nhan hai ve bat dang thirc khi biét chung duong.
v Can nam viing cdc hang dang thire ddng nhé va cdch bién doi.

2. Bat ddng thitc vé cdc canh cia tam gidc:
Voi a, b, ¢ la do dai ba canh cua mét tam gidc, ta co:
e a b, c>0 ° |a—b|<c<a+b

|b—c|<a<b+c . |c—a|<b<c+a
3. Bt déing thitt vé gid tri tuyél d6is
_| |
|

|x|£a<z>—a£x£av0”ia20

>0; x| >Xx; x| > —x, vOi moi so thuc x

|x|2a<:>xé—ahodc x=a voia =0

Dinh li: Va, bta cé: |a|—|b| <|a+b|<|a|+|p|.

GV. Tran QuécNghia 1



CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

4. Bdt ding thit giita trung binh céng va trung binh nhdn
(Bdl ding thitt Cé-i hay AN-GM)

e Dinh li: Vi hai so khong Gm a, b ta co:

2
“sz@ hay |a+b>2ab| hay (“;bj > ab

Ddu “=" xdy ra khi va chi khi a = b.

Py

* Héqual: Néu hai s6 diwong thay doi nhung cé tong khong doi thi tich ciia chiing I6n nhat khi hai
50 do bang nhau. 9
Tiee la voi hai so duwong a, b c6 a + b = S khong doi thi:
2

2
Z@SS@abS%:(ab) :ST’ dat dwoc khia = b

Y nghia hinh hoc: Trong tdt cd cdc hinh chit nhét ¢é cing chu vi thi hinh vuong c6 dién tich lén
nhat.

e Heé qud 2: Néu hai sé dwong thay doi nhung cd tich khéng déi thi tong ciia chiing 1én nhat khi hai
s6 dé bang nhau.
Tirc 1o véi hai s6 dwong a, b c6 a. b = P khéong doi thi:

a+b22P = (a+b) = 2P, dat dwgc khia = b
Y nghia hinh hoc: Trong tdt cd cdc hinh chit nhdt cé cing dién tich thi hinh vuong c6 chu vi nho
nhat.
® Mo rong:

@ Véi cdc s6 a, b, ¢ khong am, ta co:

3
%b—‘_czxﬁabc hay a+b+c>33abc hay (a+l37+cj > abc

Ddu “=" xdy ra khi va chi khia = b = c.

‘. £ A A , ata,+a,+..+a
@ Véin sé ai, az, as, ..., an khéng am, ta c6: ——2—23 L >1laa,a,..a,
n

Ddu “=" xdy ra khi va chikhia; = az = a3 = ... = an.
5. Bdt ding thitc Bunhiacépxki (chithg minh trube khi diing)
< Dang téng quat:
Cho 2n so thuc tuy ¥ ai, a, ..., an, bi, ba, ..., by,khi do:

v Dang I:  |(ab +ab, +..+ab,) <(a+a+..+a?)(b? +b2 +..+b?)
Ddu “=" xay ra P N
1 b2 bn

v Dang 2:  |ab +ab,+..+ab, s\/ a; +a; +..+a ) (b} +b] +..+b7)

/" (13 » ? a a a
Dau “="xdyra < —L=-2=..=—=2,
1 b2 bn
v Dang 3:  |ab +ab,+..+ap, s\/ a; +a; +..+a’ ) (b’ +b} +..+b)
. a a
Ddau “="xdyra < —L=-2=.=-22>0
1 b2 bn
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TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

% Hé qua:
v Néu ax,+a,x, +...+a x, =c la hang s thi:
2
: c X, X X
nnn(xlz+x22+...+x,f)= — seot="2=="
a, +a, +..+a, a a, a,

V' Néu x}+x*+..+x>=c” la hang s thi:

max(alxl+a2x2+...+anxn)=|c|\/a12+a22+...+a: eh=l_ N>y
al a2 an
max(a1x1+a2x2+...+anxn)=—|c|\/a12+a22+...+a: eh=- =%q
a, a, a,
s Truong hop ddc biét:

Cho a, b, x, y la nhiing s6 thire, ta cd:

v Dang 1: (ax+by)23(a2+b2)(x2+y2).

v Dang 2: |ax+by|é\/(a2+b2)(x2+y2) .

v Dang 3: ax+byé\/(a2+b2)(x2+y2). >0.

Dang 1. Chitng minh BT dua vao dinh nghia va tinh chdt

an an an

DA

A. PHUONG PHAP GIAI

Dé chimg minh A > B bdng dinh nghia, ta lwa chon theo cdc hudng sau:

Hwong 1. Chung minh A—B >0

Huwéng 2. Thuc hién cdc phép bién doi dai s6 dé bién doi bat diang thirc ban dau vé mét bat ding thire
diing.

Huwéng 3. Xudt phdt tir mét bat dang thire diing.

Huwéng 4. Bién doi vé trdi hodc vé phdi thanh vé con lai.

Chii y: Véi cdc hudng 1 va huedng 2 cong viée thwong la bién doi A— B thanh tong cdc dai lwong

khong am. Va voi cdc bat dang thirc A—B >0 chiing ta can chi ra dau “=" xay ra khi nao ?

B. BAI TAP MAU

VD11 Cho a, b, ¢, d 1a cic sb thyc. Chirng minh céc bt dang thirc sau:

@ a*+b*>2ab @ a*+b*+1>ab+a+b
@ a*+b*+c?>ab+bc+ca @Néu ﬁ<1 thi£<a+c
b b+c
3 3 2 2 \/ 2 2 2 2 2 2
® o’ +b’ > a’b+b’a=ab(a+Db) ® Va* +x* +* +y* 2 \J(a+Db) +(x+y)
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TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

1.1

1.2

1.3

14

1.5

C. BAI TAP CO' BAN VA NANG CAO

Cho a, b, ¢, d 1a céc sb thuc. Chirng minh céc bAt déng thirc sau:

®a2+b2+c2+322(a+b+c) @a2+b2+c222(ab+bc—ca)

2
3 %+b2+cz >ab—ac+2bc @a4+b4+cz+122a(a2b—a+c+1)
® a* (1+bz)+b2 (1+c2)+c2 (1+a2)26abc ® a*+b*+c2+d* +¢é* 2a(b+c+d+e)

®++11 1

T

Cho a, b, ¢, d 1a céc sb thuc. Chirng minh céc bAt déng thirc sau:

véi a, b, c>0® a+b+c>ab+bc+ca ,véi a, b, c>0

3 3 3
®a ;b Z(a;bj ,voia, b=>0 @ a*+b* > d’b+ab’
3 a*+3>4a> @ @ +b*+c>abe,véiab,c>0
6 pS a*+3
® ' +b* <L +2 véia bz0 ® >2
b a’ Va®+2
@+l > 2 \6ia b>1 ®(a’ +b°)(a+b)2(a* +b*)(a® +b*) ,véi ab>0

l+a> 146> 1+ab

Cho a, b, c, d, ee R. Chlirng minh (D). Ap dung bat déng thie (1) dé chirng minh
cic bat dang thirc sau:

@ (& +1)(b* +1)(c* +1) 2 8abc @ (o +4)(0* +4)(c* +4)(d” +4) 2 256abcd

@ a*+b*+c*+d* > 4abed

Cho a, b, ce R. Chimg minh |a® +b> +c¢> > ab+bc+ca| (2). Ap dung bat déng thirc (2) dé chimg
g

minh céc bt ding thirc sau:

@ (a+b+c)<3(a’ +b>+c?) @ a*+b*+c* 2abe(a+b+c)
2 2 2 2
@(a+b+c)223(ab+bc+ca) @ 2 +b3 e 2(a+§+cj
@“;’“z /“b”’;“‘l,vm a. b, c>0 ® a'+b'+ct>abe, Vi atbc=1
, . 3 £ a . a _atc < A, 22 , 2
Cho a, b, ¢, d >0. Ching minh rang: néu ;<1 thi Z<b (3). Ap dung bat dang thuc (3) dé
+c
chirng minh cdc bat dang thirc sau:
a+b+c<2® @ b e L d
a+b b+c c+a a+b+c b+c+d c+d+a d+a+b

a+b b+c c+d d+a
@ 2< + + +
atb+c b+c+d c+d+a d+a+b
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH

TAI LIEU HOC TAP TOAN 10

1.6

1.7

Cho a, b, ce R. Chimg minh |a’ +b’ > a’b+b’a=ab(a+b)| (4). Ap dung bit dang thic (4) dé

chirng minh cdc bat dang thirc sau:

3 3 3 3 3 3
@< *+b +b rte  cta >2(a+b+c)
ab bc ca
S 31 +— 31 +— 31 sl,a,b,c>0
a +b’+abc b’+c’+abc ¢ +a +abc abc

1 N 1 N 1
a+b+1 PP+ +1 A+add+1

1 1 1

+ +

a+b+1 b+c+1 c+a+l
® {/4(a3+b3)+g/4(b3+c3)+g/4(c3+a3) >2(a+b+c), a, b, c20

Cho a, b, x, ye R. Chirng minh bét déng thirc sau (BDT Min-cop-xki):

<1, voi abc =1

<1,voia, b, c>0 va abc=1

Ap dung (5):
@ Cho a, b>0 thoa a+b=1.Chimg minh: V1+a> +~1+b> =5

1 1
@ Tim GTNN cua P = \/az to +\/b2 +—,v6i a,b#0
a

Ja> 2+ +3* 2 J(a+b) +(x+ )| ().

3 Cho x, y, >0 théa x+ y+z=1. Chirng minh: \/x2+i2+\/y2+iz+

GV. Tran QuocNghia
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Dang 2. Chitng minh BOT duta vao BOT Cauchy, (AM-GM)

an an an

DA

A. PHUONG PHAP GIAI

Cdc dang ciia bat dang thire Cauchy (AM-GM):

x+y22\/5 ®
X +y =2xy @
2
Xty
>
o« Véix,yeR thi ( 2 j » ©
(x+y)=dxy @

x+y+z233xyz ®
° Vbi x,y,220 thi (x+y+zj3 . Diu “="khi x=y=12

e Voi x,y=20 thi{ . Diu “=" xayrakhi x=y.

.Ddu “=" xayrakhi x=y.

2 XYz ®

B. BAI TAP MAU

Loai 1: Panh gia tir trung binh céng sang trung binh nhdn va ngworc lai:

VD12 Cho a, b, ¢ >0. Chiing minh céc bat déng thirc sau:

1 1 4 1 1 1 9
+b) 24ab @ 2(a*+b*)>(a+b)’ —+—> —t—t—2
@(a ) ab @ (a ) (a ) ®a b a+b @a b ¢ a+b+c
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Loai 2: Tach cap nghich ddo

VD 1.3 Chirng minh cic bit dang thirc sau:

D %4252 (vab>0) > 56 (vx>0)
b a 2 x
Xy 2 53 (vx>2) @ a+ix19 (vax3)
2 x-=2 a 3

Loai 3: Str dung bo dé suy ludn tir BDT Cauchy (AM-GM):

Dang 1: (x+y)(l+lj24 hay l+12 4 (). Ddu “=" xdyrakhix=y
Xy Xy x+y

Dang 2: (x+y+z)(l+l+lj29 hay l+l+12L (2). Ddu “=" xdy ra khi x=y=z
Xy z X y z Xx+ty+z
. . I 1 4 ¢ X 42 , 2 . LA
VD14 Cho a, b>0. Chimg minh _+E > 5 (1). Ap dung bat dang thtrc (1) dé chirng minh cdc bat
a a+

dang thirc sau:

@1+%+122( L, L, 1 j(va,b,oo)
a

c a+b b+c c+a

Lt 1 22( L, r 1 j (Va,b,c>0)
a+b b+c c+a 2a+b+c 2b+c+a 2c+a+b
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Loai 4: Ddt an phu dé do dung BDT Cauchy:
VD15 Cho a, b, ¢ >0. Chiing minh bat dang thitc (BDT Nesbit) sau:
b+c=x
a . b +—< 23 HD: Dat Sc+a=y
2 a+b=z
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH

TAI LIEU HOC TAP TOAN 10

C. BAI TAP CO' BAN VA NANG CAO

Loai 1: bPanh gia tir trung binh céng sang trung binh nhdn va ngworc lai:

1.8 Cho a, b, ¢ >0. Chimg minh céc bét ding thirc sau:

@ a®+b>>2ab

® (a+b+c)(l+l+lj29
a b

c

o[-

@ (I1+a+b)(a+b+ab)29ab

© 34® +7b° > 9ab?

@ (Va +b) 22y2(a+b)ab

@ (a+b)(1+ab)>4ab

@ (a+b)(l+lj24
a b

©li il 1y 16
a b ¢ d a+b+c+d

(Va +b) 2 64ab(a+b)’

(a+b)(b+c)(c+a)=8abe

@ -2 50 vas-3

NJa+3

1.9 Cho a, b, ¢ >0. Chimg minh céc bét ding thirc sau:

@ a+b+c=Jab ++bc +Jca

ab bc ac
—+—+—2a+b+c
c a b

® ab+%+22a+b+1
a

@ ab+bc+ca2\/%(x/g+x/5+x/z)

b ¢ _1 1 1
@ a
bc ca ab a b c

3 3 3

a b c
® —+—+—>ab+bc+ca

c a

1.10 Cho a, b, ¢ >0. Ching minh cdc bt dang thirc sau:

2 2 2

a C
@O —+—+—=a+b+c

C a

3 3 3

a b c
® —+—+—>ab+bc+ca

c a

Loai 2: Tach cap nghich ddo

1.11 Ching minh céc bét dang thirc sau:

3 3 3
a

c
@ —+—+—>a+b+c
bc ca ab
5 5 5
a c
@ ?+—3+—32a2+b2+C2
¢ a

>2 (VaeR)

@ a+ >3 (Va>b>0)

a(a-b)

Loai 3: Str dung bo dé suy ludn tir BDT Cauchy (AM-GM):

1.12 Cho a, b>0. Ching minh l+12 4
a b a+b

dang thirc sau, véi a, b, ¢ >0:

(1). Ap dung bat dang thirc (1) dé chirg minh cdc bat

10
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TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

®l+l+122( 1 N 1 N 1 j @ ab N bc N ca Sa+b+c
a c a+b b+c c+a a+b b+c c+a 2
! + ! + ! <1 V(,jl+l+l:4
2a+b+c a+2b+c a+b+2c a b c

1 1 1 1 1 1
+ + =2 + +
a+b b+c c+a 2a+b+c 2b+c+a 2c+a+b

1.13 Cho a, b, c 1a dg dai ba canh cua mot tam gidc, p 1a ntra chu vi.

Ching minh rang: ! + ! + ! 22(l+l+lj
p—a p—-b p-c a b c

(2). Ap dung bt dang thirc (2) dé chirng minh

1.14 Cho a, b, ¢ >0. Chirng minh l+—+
a

cic bat dang thirc sau:
2 N 2 N 2 > 9
a+b b+c c+a a+b+c
1 1 1

3
@ (a*+b* +¢* ( + + jZ— at+b+c) (Va,b,c>0
( ) a+b b+c c+a 2( ) ( )

r Y L2 Sg (Vx>y>z>0x+y+z=1)
x+1 y+1 z+1 4
1 1 1
2 + 2 + 2
a +2bc b +2ac c¢ +2ab
%+i+i+i230 (Va,b,c>0)
a +b +c- ab bc ca

(Va,b,c>0)

29 (Va,b,c>0)

Loai 4: Ddat an phu dé dp dung BDT Cauchy:
1.15 Cho x> 2014. Chiémg minh bit dang thirc sau:

Vx=2013 x-2014 1 1 a=+/x-201320
x+2 x 242015 242014 T |p=Jx—2014>0

1.16 Cho x,y,z>0. Ching minh bit dang thirc sau:

3 a=2x+y+z>0
X " y i Z

<—.HD:Pat <b=x+2y+z>0
2x+y+z x+2y+z x+y+2z 4

c=x+y+2z>0
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Dang 3. Chithg minh BDT dua vac BDT Cauchy Schwarz

an an an

DA A

A. PHUONG PHAP GIAI

Thue chat bdt déang thire Cauchy Schwarz la hé qua truc tlep cua bat ddang thire Bunhiacopski ma
& day dé dang hinh dung, tam goi la bdt dang thirc cong mau so.

1. Cho a, be R va x, y>0. Ap dung BPT Bunhiacopski cho bo hai 56 (T \/7} ( \/_)

ta duoc:

2 2

(a_—i_b_J(x—i_y)Bunhchﬁpskt(%\/;+%\/§J<:> a_+b_2(a+b) (1)

X y X y Xty

b e,
b y’\/; b

<

2. Cho a, b, ceR va x, y, z>0. Ap dung BDT Bunhiacopski cho bo ba 50: (

(\/;,\/;,\/Z) ta duoc:

2 2 2 Bunhiacbdpski
(a—+b—+c—j(x+y+z) > ( ~lx +—w/y+— J
X y Z [

2 2 2
<:>a__i_b_ C_Z(a+b+c) 2)
X y Z X+y+z

B. BAI TAP MAU

2 2 2
VD16 Chimg minh: —— +- 2 4 € S ¥b¥C b 0
b+c c+a a+b 2

12 GV. Tran QuécNghia




TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

VD17 Véia, b, c20 va a+b+c=3. Chung minhréng:

a b c>1 ®a+b+c<1

a+2bc b+2ac c+2ab 2a+bc 2b+ac 2c+ab

C. BAI TAP CO' BAN VA NANG CAO

1.17 Ching minh:
a b
+
b+2c c+2a a+2b
a + b + ¢ Zé,véia,b,c>0
b+c c+a a+b 2

>1,v61 a, b, c>0

3 3 3 2 2 2
a b c a +b +c .
©) + + > ,vol a, b, ce R
b+c c+a a+b 2

b c 9
@—* | + > ,VOi a, b, ¢>0
(b+c)’ (c+a)’ (a+c) 4(a+b+c) oL@ B €

a’ b? c’
+ +
a+2b* b+2c¢* c+2a

~21,v61 a, b, c>0 va a+b+c=3.

1.18 Vi a, b, ¢ 12 d6 dai 3 canh cia mdt tam gidc. Ching minh ring:
2 2 2 3 3 3
a b c a b c
+ + >a+b+c @ + + >a’+b*+c’
b+c—a c+a-b a+b-c b+c—a c+a-b a+b-c
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Dang 4. Clutng minh BOT dut vio BOTC.B.S

an an an

DA
A. PHUONG PHAP GIAI
Cho a, b, x, ye R Cho a, b, c, x, y, ze R
@ (ax+by)2 S(a2+b2)(x2+y2) (1] (ax+by+cz)2 S(a2+b2+c2)(x2+y2+z2)
Ddu “="xdy ra khi £=2 Ddu “="xdy ra khi £=2=£
Xy X 'y Z
@|ax+by|s\/(a2+b2) x2+y2) 9|ax+by+cz|S\/(a2+b2+c2)(x2+y2+z2)
Ddu “="xdy ra khi £=2 Ddu “="xdy ra khi £=2=£
Xy X 'y Z
©) ax+byé\/(a2+b2)(x2+y2) 9ax+by+czS\/(a2+b2+c2)(x2+y2+z2)
Ddu “=" xdy ra khi 22220 Ddu “=" xdy ra khi 2222220
X oy X 'y Z
B. BAI TAP MAU
VD 1.8 Chiing minh ring:
@ Néu x*+y* =1 thi [x+y[<V2. @ Néu 4x—3y=15 thi x>+ >9.
Giai
@ Ta co: ()c+y)2 =x2+y2+2xy32(x2+y2)=2 nén |x+y|£x/§.
: . |X=Y X=Yy 1
Dau "=" xay ra khi: = S x=y=t—.
Y {x2+y2:1 {2)(2:1 J2
Taco: 4x-5y=15 & y=§x—5.
4 2
Do dé: x2+y2=x2+(—x—5j =X2+EX2 —ﬂx+25
3 9 3
2
=§x2—ﬂx+25=(§x—4j +929.
9 3 3
5
X w_woa . |zx—4=0 x=12/5
Dau "=" xay ra khi: <3 &y 9/5°
4x—3y=15 W77
) . M A N 2 2 49
VD19 Ching minh rang: Néu 2x+3y =7 thi 2x" +3y 2?.
Giai
Ta cé: 7° =(2x+3y)2 = (\/EX\/E+\/§X\/§) < (2+3)(2x2 +3y2) =5(2x2 +3y2)

:>2x2+3y22?.

:}x:y:

x\/E yﬁ@{2x+3y:7

Dau "=" xay ra khita c6: —= =
X=y

2B
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VD 1.10 Chirng minh rdng: @ Néu x* + y* =1 thi [3x+4y|<5

, , 1
@Néu x*+y* =1 thi |[x+2)|<y/5 @ Néu 3x+4y=1 thi x2+y222—5

C. BAI TAP CO' BAN VA NANG CAO
1.19 Chirng minh céc bét dang thirc sau:
@ONéu x*+y* =1 thi [3x+4y|<5 @ Néu x*+2y* =8 thi [2x+3y[ <217

NG

@ Néu x*+4y* =1 thi |x—y|s7 @ Néu 36x*+16y* =9 thi |y—2x|£%

1.20 Chirng minh céc bét dang thirc sau:
@D Néu xe[l; 3] thi A=63x—1+8/3—x <1042
@Néu xe[l; 5] thi B=3Vx—1+4/5-x <10
@ Néu xe[-2;1] thi C=1-x+2+x <46
@Néu xe[4;13] thi D=2Jx—4+/13-x <35
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Dang 5. Chitng minh BOT dut vao toa dé vecly

an an an

DA A

A. PHUONG PHAP GIAI

~
IS
Il
—_
Ry
<
~
Q)
Il
=
(3]
+
<
(3]

3. AB+BC = AC, ddu “=" xdy ra khi B nam giita A va C.

4. |i|-|v| < i +V| <|d|+|V|, dau “=" xdy ra khi @i, V cing hwong
5. |ﬁ+\7+ﬂ/|£|ﬁ|+|\7 “=" xay ra khi u, v, w cung huong
6. |ii.v|<|il.|7]

B. BAI TAP MAU

VD 1.11 Chirng minh ring: Vx, y, z ta ludn cé \/xz Fay+ Y N > \/yz +yz+7°

Giai:

Trong mat phéng (0xy), xét: ZIZLX—F%;?)}J vi b= [_x_g £ J

2
Suy ra a+b=| 2 5—3 —3z .
2 2’ 2 2

= (02 +25 e [ +2) 422
i IR

Tacod ‘Zl‘-l—‘i)‘ Z‘ZI-I-ZJ‘

S I Go e SRR

JE+xy+ 3 +Nx +xz42° 24y +yz+2° (dpem)

. \ , L 1 1 1
VD112 Véimoi x, y, z thoa x+ y+z=1. Chirng minh rang: \/x2+7+\/y2+?+\/z2+? >./82.

Giai:
Trong mit phang (Oxy)

bat: az(x;lj 2‘21‘:‘})624-%;
x
) =B
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TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

(o) e

1
Suyraa+b+c—[x+y+z, — —j a+b+c \/(x+y+z)2+(l+l+lj
z Xy z

Ta 06 |a] +[p[ +[¢[2[a+b+d]

<:>\/x +—+ y’ +i+ x +—> x+y+z 1+l+l
y’ x y z

.11 1 1
Laic6 —+—+—232 > =
Xy z xyz X"‘)""Z
3
. 2 1 . 2, 1
Vay  [x"+—+ [y +—5 +,[z +—22\/8_2
X y Z

VDB CMR: \[(a+c) +b> +(a—c) +b* 22Ja’ +b” ,véi a, b, ce R

VD 1.14 Chirng minh ring v&i moi x, y, Z tacé:

\/x2+xy+y2 +\/y2+yz+z2 N+ x 2B (x+y+2).
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C. BAI TAP CO' BAN VA NANG CAO

1.21 Chirng minh bat ding thic sau:

@D Ja? +4b* +6a+9 +a* +4b* —2a—12b+10 =5 v6i a,b.ce R

@) \/az+ab+b2 +\/az+ac+c2 Zx/bz+cb+c2 ,vol a,b,ce R
® \/(a—b)2+c2 +\/(a+b)2+c2 >2Ja’ +c* , v6i a,b,ce R

@ 1<V +x+1-x*—x+1<1,v6i xe R

® \/C(a—c)+\/c(b—c) S<~Nab,v61a>c>0,b>c

Dang 6.Bdt dang thitc vé gic tri tuyét doi

an an an

DA

A. PHUONG PHAP GIAI

1.
2. |x|20;
3.

4. |x|2a<:>xs—a hodac x=>2a voi a=>0

5.

—|x| <x< |x| , YOI moi s0 thuc x

X X| = —x, voi moi sO thuc x

> X;

|x|£a<z>—a£x£av0”i a0

Pinh li: Ya, b ta co: Ha|—|b” S|a+b| S|a|+|b|

B. BAI TAP MAU

18
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VD115

@ Chang minh rang véi moi sé thuc a, b tacé |aib| > |a| —|b| .

@ Biét rang |a| > 2|b| . Chirng minh rang |a| < 2|a —b| .
Giai
Ta ¢6: |a=|(a+b)Fb|<|ab|+[b| = |a|-|p| <|a £

Ta bién ddi: |a| > 2|p| = 2|a—(a—b)|>2(|d|~|a—b]) & |a| < 2|a—b|

VD116

Ching minh rang:
@ Néu x>y>0 thi ——>——. @ Véihaisd a, b tuy ¥, tacé ja=b| _ o] , I .
x+1 y+1 I+|a—b| " 1+|a| 1+[]
Giai
Vé6i x> y>0, taco: L A S x(y+1)2y(x+1)e a2y (ludn ding).
x+1  y+1

Vi|a —b| < |a|+|b| , 4p dung két qua cau a), ta c6:
ja=bl _ lal+[p[ _al ol _ o] [
I+|a—b| " 1+|a|+[p| 1+|a|+|p| 1+|a|+[p|  1+|a| 1+]p|

VD117 Véi cdc s6 a, b tly §. Ching minh rang: |a—b|<|a|+|b|

C. BAI TAP CO' BAN VA NANG CAO

1.22 Véicic sb a, b, ¢ ty y. Chirng minh rang:
@|a+b+c|£|a|+|b|+|c| @|a—b|+|b—c|2|a—c|
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o=t __la| _ [ ja+b] __la+}H
I+|a—b| " 1+|a| = 1+]b| I+|a+b| " 1+|a|+|b|

1.23 Ching minh ring: néu x>y >0 thi ——>—2—
x+1 y+1

1.24 Ching minh ring: x+|x|>0 véi moi xe R.

Ap dung: Chirng minh rang v x++/x* —x+1 xdc dinh véi moi Vxe R.

1.25 Chiing minh rang:

@DNéu |d|<1, |p-1]<10, |a—c| <10 thi |ab—c|<20.
@ Néu |a|<1, [p|<1 thi |a+b|<|l+ab].
Dang 7. S dung phuong phdp lam tréi

an an an

DA

A. PHUONG PHAP GIAI

Dé chimg minh A< B, ta lam tréi A thanh C (A< C ), trong dé C la dang tinh dwoc tong hitu

han hodc tich hitu han, sau dé chimg minh C < B (biéu thirc C déng vai tro trung gian dé so
sdanh A va B).

e Phuwong phdp chung dé tinh tong hitu han S, =a,+a, +a, +...+a, la c6 gdng biéu dién
moi nhan tir a, cia S, dudi dang hiéu 2 sé hang lién tiép nhau a, = m, —m,,. Khi do:
S, =(m—m,)+(m, —my)+(m, —m,,.)=m ~m,,
e Phuwong phdp chung dé tinh tich hitu han P, =a,.a,.a, ...a, la c6 gang biéu dién moi nhan

ny

tr a, cua P duoi dang thuong 2 so hang lién tiép nhau a, = . Khi do:
m
m, m m m
1 2 n_ _ 1
P="0.2... =
mZ m3 mn+1 mn+1

B. BAI TAP MAU

VD 1.18 CMR: L+L+L+-~-+ <1 vé6i ne N* (1)
1.2 23 34 n(n+1)
Ta co: izl—l
12 1 2
LI
23 23
1 I 1

n(n+1) n on+l

Do d6 VT (1)= —— 4+ ep— =11 1 y6i ne N
1.2 23 n(n+l)  n+l

20
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CHUONG 4: BAT BANG THOC. BAT PHUONG TRINH

<1 v6i ne N*

111
Vay —+—+—+--
1.2 23 34 n(n+1)

VD 1.19 CMR: (1+%)(1+%J ----- (1+ > JZ% (1) v61 ne N*

Gidi

K2kl (k+1) k41 K+l

2% k(k+2)  k(k+2) Kk k+2

1 _n+1_n+1
n’ +2n n n+2

Do do. vT (1) (14 L) (101 ) (1ot =2 ntl 2042,
3 8 1 n+2 n+2

n’+2n

Vay (1+lj(1+lJ ----- (1+ 21 Jzi voi ne N*
3 8 n+2n) 3

2
n+2

>

4
3

1 1 1
VD1.20Cho k >0, chirng minh: ———+=<2| = ——F——
s (k+1)k (\/E \/k+1J

Ap dung: CM: l+ 1 ! !

5 E+m+'”+—(n+1)ﬁ

<2,v01i ne N*.

GV. Tran QuocNghia




CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

C. BAI TAP CO' BAN VA NANG CAO
1.26 Chirng minh rang véi moi sd nguyén dwong n, ta c6:

1 1 1 1 I 1 1 1
D —+—+—+..+ <1 @ —t—=t—t..t—=<2

1.2 23 34 n(n+1) o2 3 n’
1 1 1 1 _1

+ + ot

n+l n+2 n+3 2n 2

1.27 Cho k >0, chirng minh %<L—1.Ap dung: CM: %+i3+i3+...+i3<2, vol ne N*,
kK k-1 k 2 3 n

Dang 8. Ung dung BDT d¢ gidi PT, HPT, BPT

an an an

DA XA

7(x)=0

o Logi 1: Téng hai sé khong am: [f(x)]2+[g(x)]2:0<:>{ (x)=0
g(x)=

e Loai 2: Phwong phdp déi lip:
v’ Gidi phuong trinh f (x)=g(x) (%)

f(x)=

SN

, flx)=M
v’ Néu chimg minh dwoc

e(x)<M thi (*)<:>{

g(x)=
e Logi 3: Sir dung tinh chit:

v’ Gidi phuong trinh f(x)+g(x)=M +N (%)
f(x)=M

, flx)sM
v’ Neéu chimg minh duoc

hi (*
g(x)SN i ( )@{

g(x)=N

B. BAI TAP MAU

VD 1.21 Giai phuong trinh v/x* =2x+5+/x—1=2.

Giai
Nhan xét ring: VT =+vx* —2x+5+Jx—1=4/(x=1)" +4 +J/x—-122.

Vay, phuong trinh c6 nghiém khi va chikhi: VT =2 < x-1=0< x=1.
Vay, phuong trinh c6 nghiém x=1.

lx=y[+|]x+y=2 ©®

VD 1.22Giai h¢ phuong trinh:
xy=1 (@)

o . Giai
Bién doi (1) vé dang:

4=(x—y)2+(x+y)2+2‘x2—y2‘ =2(x2+y2)+2‘x2—y2‘32(x2+y2)34xy=4
2‘x2—y2‘=0

Vay, h¢ tuong duong voi: x=y (:{x: il
xy=1 Y

Vay, hé ¢6 2 nghiém (L;1) va(-1;-1).
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VD 1.23Giai phuong trinh sau: Vx—4 ++/6—x = x* —10x+27

C. BAI TAP CO' BAN VA NANG CAO

1.28 Giai c4ac phuong trinh sau:
@x2—2x+3=\/2x2—x+\/—3x2+3x+1. @ Jx-2+J4—x=x*—6x+11
6
—x* +10x—24
® Va* —2x+5+x—1=1-x>+2x. ® 3x> +6x+7 +V5x5 +10x+14 =4 -2x— x°

@D V32 +6x+7 +2x° +4x+3 =2-2x—x°

@ V2x-3+/5-2x =3x>-12x+4 @ \2x—1+/19-2x =

V32 +6x+7 44552 +10x+14 = /24x> — 25— x>
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Bai tdp trac nghiém chii dé 1: Bat dang thiec

an an an

DA XA

TN1.1 Néu a>b va ¢>d. thi bit dang thirc nao sau diy ludn diing?

A. ac>bd . B.a-c>b—-d. C.a-d>b-c. D. —ac>-bd .
TN1.2 Néu m>0, n<0 thi bat dang thirc nao sau day ludn ding?
A.m>-n. B.n-m<0. C.—-m>-n. D. m-n<0.

TN1.3  Néu a,b va ¢ 1a cdc s6 bat ki va a > b thi bat didng ndo sau ddy ding?
A. ac>bc. B. a° <b*. C.a+tc>b+c. D.c—a>c-b.

TN1.4 Néu a>b va ¢>d thibat dang thirc nao sau diy ludn ding?

A. 3>§. B.a—c>b-d.  C.ac>bd. D. a+c>b+d.
C

TN1.5 Bt dang thirc ndo sau day diing véi moi s thuc a?

A. 6a>3a. B. 3a > 6a. C.6-3a>3-6a. D. 6+a>3+a.
TN1.6 Néu a,b,c 1acéc sd bat ki va a < b thi bat dang thirc nao sau day ludn ding?

A.3a+2c<3b+2c. B. a* <b*. C. ac>bc. D. ac<bc.
TN1.7 Néu a>b>0, ¢>d >0 thi bit dang thirc nio sau diy khéng diing?

A. ac>bc. B.a-c>b-d. C.a’>b> D. ac>bd .
TN1.8 Néu a>b>0, ¢>d >0. thi bat ding thic ndo sau ddy khong ding?

A.a+c>b+d. B. ac>bd. C.ﬁ>£ D.£>i.

c d’ b ¢

TNL9  Sip xép ba sb V6 +/13 ,4/19 va /3 ++/16 theo thir ty tir bé dén 16n thi thir tu ding 1a
A. V19 ,/3+16 /6 +/13 . B. V3+16,19,/6 ++/13 .
C. V19 V6 +13 ,\3+4/16. D. V6 +/13 ,3/3+4/16 ,/19.

TN1.10 Néu a+2c¢>b+2c thi bat dang thirc ndo sau ddy ding?

A.-3a>-3b. B.a’ >b’. C. 2a>2b. D.l<%
a
TN1.11 Néu 2a>2b va —3b < -3¢ thi bit dang thirc nio sau diy ding?
A.a<c. B.a>c. C.-3a>-3c. D.d’ >c*

TN1.12 Mot tam gidc c6 do dai cdc canh 1a 1,2, x trong d6 x Ia s6 nguyén. Khi d6, x bing
A.l. B.2. C.3. D. 4.
TN1.13 Véis6 thuc a bat ki, biéu thirc nao sau day c6 thé nhan gia tri Am?
A. a*+2a+1. B. a’*+a+1. C. a*-2a+1. D. a* +2a-1.

TN1.14 Vi sb thuc a bat ki, biéu thirc nao sau day luén luén duwong.
A. a’+2a+1. B.a’+a+1. C.a*-2a+l. D. a’+2a-1.

TN1.15 Trong céic $6 3+\/§, \/E, 2+\/§, 4
A. s6 nho nhét 1a+/15, s6 16n nhat 132 ++/3 B. s6 nho nhéit 1a 2++/3, s6 16n nhét I3 4.
C. sb nho nhat 13 /15, s6 16n nhit 1a 3++2. D.sdnho nhat 1a 2++/3 ., s6 Ion nhit [a 3++/2 .
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TN1.16 Cho hai s6 thuc a,b sao cho a > b . Bit diang thirc nao sau diy khong ding?
A.a*>b* B. 2a+1<-2b+1. C.b-a<0. D.a-2>b-2.

TN1.17 Néu 0<a <1 thi bat dang thirc nao sau ddy ding ?

A.l>\/5 B.a>l C.a>+Ja D.a’>a”
a a :
TN1.18 Cho a,b,c,d la cac $6 thuc trong d6a,c #0. Nghiém cua phuong trinh ax+5=0 nhé hon
nghi€m cua phuong trinh cx+d =0 khi va chi khi
b ¢ b ¢ b a b d

A—<—. B.—>—. C.—>—. D. —>—.
a d a d d c a c¢

TN1.19 Néu a+b<a va b—a > b thi bit ding thiic nao sau ddy diing?

A. ab>0. B.b<a. C.a<b<0. D.a>0 va b<0.
TN1.20 Cho a,b,c 1a dd dai ba canh cia mgt tam gidc. Ménh dé nao sau day khong dang ?

A. a’ <ab+ac B. ab+bc > b’

C.b*+c*<a’+2bc. D. b*+c* >a’ +2bc.

TN1.21 Cho a 1a sb thuc bt ki, P = . Bat ddng thirc no sau day diing véi moi a ?

a’+

A. P>—1. B. P>1. C. P<-1. D.P<I.

TN1.22 Cho Q=a*+b*+c>—ab—bc—cavéi a,b,claba sd thuc. Khing dinh nao sau ddy 1a diing?
A. Q>0 chi ding khi a,b,c1a nhitng s6 duong.
B. 0 >0 chiding khi a,b, ¢ 12 nhirng sé khong am.
C. 0>0. v6i a,b,cla nhiing so6 bat ki.
D. Q>0 v6i a,b,cla nhitng sb bat ki.

TN1.23 S nguyén a 16n nhét sao cho a*® <3*® Ia:

A.3. B. 4. C.5. D. 6.
TN1.24 Cho hai s6 thyc a,btily y. Ménh dé nao sau day 1a ding?
A. |a+b|=|a|+|b| B. |a+b|<|a|+p|  C.la+b|<|a|+|p|  D.|a+b|>|a|+|b|

TN1.25 Cho hai s6 thyc a,b tiy y. Ménh dé nao sau ddy 1a diing?

A. |-ab|<[al 8] B. ‘ﬁ A9 6 b 2o,
bl |-4]
C.Néu |a|<|p| thi a® <b’. D. |a—b|>|a|-|p|.

TN1.26 Cho hai s6 thyc a,b tiy y. Ménh dé nao sau ddy 1a diing?
A. |a—b|<|a|+|p|. B. |a—b|=l|d|+[p|.  C.l|a—b|=|a|-|p|.  D.|a—b|>|a|-|p|.

TN1.27 Bat ddng thic nao sau day ding v6i moi sd thue x ?
A. |x|>x. B. |x|>—x. C. |x|2>x2. D. |x|2x.

TN1.28 Néu a,b la nhiing s6 thyc va |a| < |b| thi bat dang thirc ndo sau day ludn ding?

A. @’ <b*. B.|is|% voi ab#0.C. =b<a<bh. D. a<bh.
a
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TN1.29 Cho a>0.Néu x<a thi bat ding thirc nao sau ddy ludn ding?

A.|xf<a. B. —x<|4. C. |x|<ld]. p. 11
i a
TN1.30 Néu |x| < a thi bit ding thiic nao sau ddy ludn ding?
A. x<-a. B.l<l. C. —|x|<—a. D. x<a.
X a
TN1.31 Cho a>1,b>1. Bét dang thirc ndo sau diy khong ding ?
A a>22Ja-1. B. ab>2aJb—1.  C.ab<2bJa—1. D.24b—1<b.

TN1.32 Dién dau (>,<,2,<) thich hgp vao 6 trong dé dugc mot bat dang thirc ding

. ab a+b
A. Néu a,b duong thi
s a+bD 4

B. V6i a,bbitky 2(a’—ab+b*)[ ] a’+5’.

, a b c
C. Néu a, b, c duong thi + + 1.
g b+c c+a a+b D
TN1.33 Cho a,bla cic s6 thyc. Xét tinh ding—sai ctia cic ménh dé sau:
a+b g a*+b?
A. > .
(2] 2 ]

B. > +b+1>a+b+ab. ]:l

C. &> +b*+9>3(a+b)+ab. []

TN1.34 Cho a,b,c,d 1a cic s6 duong. Hay dién déu (>,<,>,<) thich hop vao 6 tréng

. a ¢ a+b c+d
A. Néu —>— thi .
e [

a c

. a ¢ a+b c+d

B. Néu — > — thi .
b d b D d

C.a+b+c D Jab ++/bc +-ca .
D. 2Vab (Na+b) [ | 2ab+a+b.

TN1.35 Cho a* +b*+c* =1. Hay x4c dinh tinh ding-sai ciia cic ménh dé sau:

A. ab+bc+ca=0. I:I B. ab+bc+ca2—%.D

C. ab+bc+ca<1.D D. ab+bc+ca£1.D
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2. GIA TRI LON NHAT, NHO NHAT

Khdi niém GTLN, GTNN cda ham s6 (biéu thurc):

Xét ham s6 y = f (x)véi tdp xdc dinh D:
f(x)<M,Vxe D
dx,e D, f(x,)=M
Ki hi¢u: max f(x)=M khi x=x,.

® Mla GTLN cua f(x) trén D & {

f(x)=2m,vxe D
e mla GINN cua f(x) trén D &

dx, e D,f(xo) =m
Ki hi¢u: min f (x)=m khi x = x,.

o Chii y: - Biéu thirc cé thé khong cé gid tri I6n nhdt hay nhé nhat.
- Biéu thitc ¢6 thé ¢é cd hai gid tri [om nhdt va nhé nhdt.

Dang 1. Ding tam thic béc hai

A. PHUONG PHAP GIAI

. P:m+[f(x)]22m:>minP:m<:>f(x)=0

. P:M—[f(x)]st:maxP:M<:>f(x)=0

B. BAI TAP MAU

vD 11 Tim gid tri nh6 nht cta cic biéu thirc sau: P =a® +2b* —2ab+2a—4b—12
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vD 1.2 Tim gid tri nhé nhit cta cic biéu thirc sau: I =a’ +b* +ab—3a—3b+2014

C. BAI TAP CO' BAN VA NANG CAO

1.1  Tim gi4 tri nho nhat cta céc biéu thirc sau:

@ A=x"+y +7"+4x-2y-4z+9 @ B=(x-1)"+(y-5)" +(x—y+4)
® C=x"y"+x> —6xy+4x-3 @ D=x"+15y> +xy+8x+y+2017
® E=x"+2x+y" —4y+5 ® F=x"y"+2x" +24xy+16x+191

1.2 Cho a, b, ¢ d6i mot khac nhau. Tim gié tri nho nhit cta cdc biéu thirc sau:

@ fx)=(x—a) +(x-b)’ @ f(x)=(x—a) +(x=b)"+(x—c)’
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Dang 2. Ding BDT Cauchy

an an an

DA

A. PHUONG PHAP GIAI

He qud; | ,
o Neu x, y>0 co S=x+y khong doithi P=xy lonnhatkhi x=1y.
e Néu x, y>0 cé P=xy khong doi thi S =x+y nhé nhdt khi x=y.

B. BAI TAP MAU

. . ) 1 2
VD15 Tim gid trj 16n nhat cia céc biéu thuc sau: y=(2x+1)(2-3x), v6i xe [—E,g} )

Giai
Ta co: y=(2x+1)(2—3x)=l(x+lj_l(g—xj:l(x+lj(g_xj
2 2)3\3 6 2)\3
ol 2 01 L 2 L £ 22 A
Voi —ESXSS thi x+520 va §—x20, do d6 str dung bat dang thuc Cosi ta dugc:
)c+l + g—)c 2
AL 2) A3 (3}2

“6l12) 364

1
=% 2 6

Twrdésuyra y,_ zg,datduzqc khi: x+l:z—x(:>x:i
864 2 3 12

. . ) 12
VD16 Tim gid trj 16n nhat cia céc biéu thuc sau: y=(2x+1)(2-3x), v6i xe [—5,5} )

Giai

Ta c6: y=(2x+1)(2—3x)=%(X+%jé(%—)€j:é(x+%j(§—xj

Véi —% <x s% thi x+% >0 va %—x >0, do d6 sir dung bét dang thirc Cosi ta dugc:

|

1
6 2 “6'l12) 864

Twrdésuyra y,_ zg,datduzqc khi: x+l:z—x(:>x:i
864 2 3 12

PSP S 2.
VD17 Tim gidc tri nho nhat cia ham s6: y=x+—— voi x> 1.
x_

Gidi: Vi x>1 nén x—1 va Ll 1 hai s6 dwong.
x_

Do d6: y=x+—2 =14 x—1+—2—>142 (x—1)-i =1+242
x—1 x—1 x—

T do, suyra y_. :1+2\/§,datdu:qckhi: x—I:L:x:1+2\/§ (do x>1)
X—
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VD18 Tim gié tri 1on nhit v nho nhét cua biéu thie: A=+/x—1+/4—x

Giai
Véi 1<x<4, tace: A7 =(Va—T+va—x) =3+2[(x—1)(4—x)
Taco: 3<3+2,/(x—1)(4—x)<3+x-1+4-x=6=3<A4<6

Tu do, suy ra:
o A . =x/8, dat duoc khi: x—1:4—xc>x:%_

o A, =+3,datdugckhi: (x—1)(4-x)=0e x=1 hojcx=4.

VD19 Tim gid tri lon nhét cia cic biéu thirc sau:

® G=(x-3)(7-x),v6i 3<x<7 @ H=(2x-1)(3-x),v6i 0,5<x<3

VD110 Tim gid tri nho nhét cia cic biéu thirc sau:

+201) 4+ x)(2+
@K:u,v(ﬁywo @ L:M,v(ﬁ)wo
X X
@P:x2+%,véix>0 @ Q=£+L,V6i)€>2
X 2 x-2
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vD1N1 Tim gid tri 16n nhat va nho nhét ciia cac ham so:

@ y=x-1+5-x @ y=V1-2x+Jx+8

C. BAI TAP CO' BAN VA NANG CAO

1.3 Tim gid tri 16n nhat cua cac biéu thuc sau:

@ A=3x"(8-x") v6i 242 <x <22 @ B=x(2-x) véi 0<x<2
@ C=(2x-1)(3-x) v6i0,5<x<3 @ D =x(3-3x) voi 0<x<+3
® E =4x(8-5x) voi 0<x<8/5 ® F=4(x-1)(8-5x) v6i 1<x<8/5
1.4 Tim gid tri nhd nhit cta céc biéu thic sau:
D A=x+d voi x>0 @B=""2.30 ‘s>
X 4 x+2
3x 2 1
B C=="4—" véi x>1 @ D=x+ , VoL x> —
2 x-1 3x—1 3
@E:2x+3,véix>o @F:x+%,v(ﬁx>1
x x_
4 2
@ G=EFDETD i es0 ®H=2"2 x>0
X 2x
2 _ +2x+4
@I:w,vmx>0 @7 =222 i x>0
X X

1.5 Tim gid tri 16n nhat va nho nhét ciia cac ham so:
@ y=+x-1++3-x @ y=Ax-1++/4-x @ y=2vx—4+/8-x
@ y=3—x+x+5 ® y=4Jx+3+5J4—x  ® y=5Jx+1+3J6-x

. sl , A, . R , a b c , .
1.6 Tim gid tri nhé nhat cua biu thirc: A= + + ,voi a, b, c>0
b+c c+a a+b
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Dang 3. Diing BOTC.B.S

an an an

DA A

A. PHUONG PHAP GIAI

v' Néu ax, +a,x,+...+a,x,=c la hang so thi:
2

. 2 2 2 c X Xy X

min (x’ + X, +..4+x, ) =—— sel="2s =

a, +a, +..+a, a a, a

V' Néu x}+x* +..+x>=c* la hang s thi:

2 2 2 X X X
max(al)cl+az)c2+...+an)cn)=|c|\/a1 +a,+..ta, &L="2=.="20
1 a, a,
2 2 2 X X X
max(alxl+a2x2+...+anxn)=—|c|\/al +a,+.+ta, &L="2=.="<0
al aZ an

B. BAI TAP MAU

VD112 Tim gid trj 16n nhit va nho nhdt cta biéu thie: S =3x+4y, biét x*+y> =1.

Gidi
Taco: S?=(3x+4y) <(32+42)(x* +)?)=25 & [3x+4)| <5 -5<3x+4y <5,
Dau "=" xdy ra khi:

3 4
3 - _2 =
ﬁZZ 4x =3y 4x =3y x=3y x S,y 5
y & N &
., 9x* +9y* =9 9x” +16x> =9 x=td 3 4
e ST TS

Tu do, suy ra:
4

e S .. =5, dat dugc khi x= y:5

mlw

e § . =5, dat duoc khi x:—g, y:—g.

VD113 Tir d6 dp dung tim gid tri nho nhat cia biéu thic P =7a*+115, biét a, b théa min 3a—5b =8.

Giai : Tur gia thiét, ta c6 8 =3a—5b _ 3 Ta——2 b,

V7 Vit

Ap dung bat dang thirc Bunhiacopski cho hai cip s6 ( j J7 Ta; N11b), taco
7o) )

82:(3\f > fbj (9 fijﬁ 24110?) o 7a2+11b222143674.

NN T
3 5
% . . . o =——— |35a+33b=0 52 140
Dau "=" xay ra khi va chi khi § 7a 116 & Sa= vab=———.
3a—5b=38 107 107
3a—-5b=38
52

a=——
Vay gid tri nhé nhét ctia P o 2204 i {107
137 140

107
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CHUONG 4: BAT BANG THOC. BAT PHUONG TRINH

VD114 Tim gid trj I6n nhét va nhé nhét:
@ P=2x+y,biét X*+y*=5

@ P=4x+2y,biét 2x* +3y* =6

C. BAI TAP CO' BAN VA NANG CAO

1.7 Tim gid tri 16n nhat va nho nhét:
@ P=3x+4y,biét X*+y*=1

® P=2x+7y,biét 3x* +8y? =1

@ P=43x+2+/9—x
@ P=2x+y,biét 2x* +5y> =8

1.8 Haisé duong x, y thoa mdn 3x+2y=6xy. Tim GTNN cua tong x+ .
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

Dang 4. Ditng BOT chuta ddu gid tri tuyél doi

an an an

DA A

A. PHUONG PHAP GIAI

Sir dung cdc bat dang thirc sau:

@P=m+‘f(x)‘22m:>minP=m<:>f(x)=0

@P=M—‘f(x)‘ZSM:>maxP=M<:>f(x)=0

® |a|+|b|2|a—b|. Ddu “=" xdy ra {aZO hodac {aSO

b<0 b=0

P az0 _ |a<0

@ |a+b|£|a|+|b|. Ddu “=" xay ra {bZO hodc {bSO
a=0 a<0
@|a+b+c|£|a|+|b|+|c|.Dcfu “="xayra <b=0 hoac <b<0
c=0 c<0

B. BAI TAP MAU

VD115 Tim gid tri nho nhat cau cic biéu thirc sau

@ A=|x+2|+|x+3|. @ B=|x=3|+|x—1|+|x+1]+|x+3].

Giai
@DTacs A=|x+2+-x—5=|(x+2)+(-x-5)|=3.
Déu "=" xdy ra khi va chi khi (x+2)(-x—5)>0e -5<x<-2.
Vay gid tri nho nhét ctia A 1a 3, khi -5<x<-2.
@ Tacé B=|x—3|+|x—1|+[x+1|+[x+3| =[3—x|+|x+3|+[1—x|+|x+]|
>[(3-x)+ (x+3)[+|(1-x) +(x+1)| =6+2 =8

Dau "=" xay ra khi va chikhi x=0.
Vay gid tri nho nhét ciia B 1a 8, khi x=0.

VD116 Tim gid tri nho nht cua cic biéu thirc:
@ P=5+|x—2019 @ P =|x-2019|+|x—2020|
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VD117 Tim gié tri nhd nhat ctia ham sé y = \/x+ 2(14++x+1) +\/x+ 2(1-vx+1) .

C. BAI TAP CO' BAN VA NANG CAO
1.9 Tim gid tri nh nhit cua céc biéu thirc:
@ P=|x+1|+[2x+5|+[3x-18] @ Q=|x+2|+|x+1+|2x-5|

® Q=|x—1|+|y—2|+|z—3| vOi |x|+|y|+|z|=2014
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

Dang 5. Ding toa do veclo

A. PHUONG PHAP GIAI

L a=(x;y) =l =yx"+y’

2 2

2. AB= (XB_XA) +()’B_YA)

3. AB+BC = AC, ddu “=" xdy ra khi B nam giita A va C.

4. |ii|—|v| <|ii + V| <|id| +[v|, ddu “=" xay ra khi i, v cing huong

5. [ii +V + | <|id] + || +| %], ddu “=" xdy ra khi i, ¥, W ciing huéng

6. |ii.v|<|il.|7]

B. BAI TAP MAU

VD118 [HKI-THPT DI AN — BD nam 1819] Tim gi4 tri nh6 nhét ciia biéu thirc
P=~x>—10x+793 +~/x> +14x+292 .

Giai
Tac6  x*—10x+793=(x—5)"+768>0Vxe R
X +14x4+292=(x+7)"+243>0Vxe R

Suyra P x4c dinh véi moi Vxe R.

P =" —10x+793 " +14x+292 = \[(5—x)” +768 +(x+7)" +243
Chon ii =(5-x;16v3 ) = [ii| = {(5—x)" +768 va ¥ = (x+7:9v3) = [§] = /(x+7) +243
Suyra ii +7 = (12;25V3 ) = |ii +7] = [12° +(253) = /2019

Khi d6: P =|ii|+|v] 2 |ii +¥|=+2019

Dau “=" xay rakhi # va v cung huéng

5-x 1643 67
N =22 9(5-x)=16(x+7) < x=——L.
+7 983 (5=x)=16(x+7) & x=-—

Vay P, =+/2019 khi xz—g—;

VD119 Tim GTNN: P=+/x? —x+1+x> +x+1.
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C. BAI TAP CO' BAN VA NANG CAO
1.10 Tim GTLN, GTNN:
@ Tim GTNN: P =+/x* —2ax+2a> +x* —2bx+2b* , a<0,b>0

@ Tim GTINN: P =+/a> —6a+13 +ya> +2a+2

@) Tim GTLN: P =+/x> +10x+26 + x> +4x+4
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

BAI TAP TRAC NGHIEM CHU BE 2: GTLN-GTNN

an an an

DA
TNL.1  Cho f(x)=x—x" Két lufn ndo sau dy la ding?
A. f(x) c6 gid tri nho nhat béngi : B. f(x)co gid tri 16n nhit bang % :
C. f(x) c6 gid tri nho nhat bang —i. D. f(x)co6 gid tri 16n nhit bang i :
TN1.2  Cho hamsb f(x)= \/3— . Ménh dé nao sau day la ding ?
x +1
A. f(x) c6 gid tri nho nhét 1a 0, gid tri 16n nhat bang 1.
B. f(x) khong c6 gid tri nhé nhat, gid tri 16n nhit bang 1.
C. f(x) c6 gid tri nhé nhat Ia 1, gid tri 16n nht bang 2.
D. f(x) khong c6 gid tri nho nhit va gid tri 16n nhat.
AN ) <A N x+y=1 . n . . £
TN1.3  Vo6igid trinao cua a thi h¢ phuong trinh 9g—1 ¢6 nghiém (x;y) vo1 x.y 16n nhat
X—y=2a—
A.azl. B.a=l C.a=—l D.a=1.
4 2 2
TN1.4  Cho biét hai s a va b c6 tong bang3. Khi d6, tich hai sé a va b
A. c6 gid tri nho nhat 19% B. c6 gid tri 1on nhit 1a % :
C. ¢6 gid tri 16n nhat 1 % : D. khong c6 gid tri 16n nhat.
TNL5  Cho a—b=2.Khido, tichhaisé a va b ,
A. c6 gid tri nho nhat 1a—1. B. c6 gid tri lon nhat 1a —1.
C. ¢6 gid trinhd nhat khi a=5b. D. khong c6 gid tri nhé nhat.
TN1.6 Chox’+y’ =1 goi S =x+y.Khidétacé
A. S<—2. B.S >+/2. C.—2<S<2. D.-1<S<I
TNL7  Cho x,y Ia hai sd thyc thay ddi sao cho x+y=2.Goim=x"+y* Khid6 ta co:
A. gid tri nho nhat ctia m 1a 2. B. gid tri nho nhét ciia m 1a 4.
C. gid tri 16n nhat cua m 1a 2. D. gid tri lon nhat cia m 1a 4.
TNLS  Véimdi x> 2, trong cdc bidu thite: =, ——, —2—, 21 X iz tri biéu thitc nao 1 nho nhét?
x x+1 x-1 2 2
A2 B. 2. c. 2 D. .
X x+1 x—1 2
TN1.9  Gid tri nho nhét ctia biéu thic x* +3x véi xe R la:
A2 B. 2. c.-2 p.- 3
2 4 4 8
TN1.10 Gid tri nh6 nhat cta biéu thirc x°+3|x| v6i xe Rla:
A -2 B. 2. C.0. D.>.
4 2 2
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TNL.11 Gid tri nho nhit ciiabiéu thirc x* —6|x| véi xe R la:

A. 9. B.—6. C.0. D. 3.
TN1.12 Cho biéu thic P=—a++/a v6ia>0 Ménh dé nao sau ddy 1a ménh dé ding?

A.GTLNcﬁaPﬁli. B.GTLNcﬁaPﬁli.

CJHINdeD%. DPdeﬂ)Hma:i.
TN1.13  Gid tri 16n nhédt ciia ham s6 f (x)=————— bing

x —5x+9
JVLLY B. 2. cU p.t
4 11 8 11

TN1.14 Cho biéu thitc f(x)=~/1-+" . Két ludn nao sau day ding?
A.Hamsé f(x) chicé gid tri 16n nhét, khong c6 gid tri nhé nhét.
B. Haim s6 f (x) chic6 gid tri nho nhat, khong c6 gid tri 16n nhat.
C.Ham s f(x) c6 gid tri nho nhét va gid tri 16n nhat.
D. Ham s6 f (x) khong c6 gid tri nhé nhat va khong c6 gid tri 16n nhat.

TNLIS  Gid tri nho nhét cia ham s f (x)=x+2 véi x>0 I
X

A. 4. B. L. C. 2. D. 2./2.
2

TN1.16 Gid tri nho nhét cia ham s f (x)= 2x 42 voi x>0 Ia
X
A. 43, B. /6. C. 2/3. D. 26 .

TN1.17  Gid tri nh6 nhét ciia ham sé f(x):%+i1 voi x>1

A.2. B.>. C. 2\2. D. 3.

2
Vx=2

TN1.18 Cho x>2. Gid trj 16n nhat ctia ham s§ f (x)= bang

B. . C.

1
A.Ejj. 7

TNL19  Gid tri nho nhét cia ham s f (x)=2x+ 2 véi x>0 Ia
X

ol i
-

A. 2. B. L. C. 2. D. 2./2.
2

TN1.20 Gid trj nho nhit ciia ham s f (x)=2x+—= véi x>0 I
X

A 1. B.2. C.3. D. 2./2.

TN1.21 Dién s6 thich hop vao chd chdm dé duge ménh dé ding
A. Gid tri 16n nhat cia ham s y=~/x—1+~3=x v6i 1< x<3 Bee vovnnnnn.
B. Gi4 tri nho nhit cia ham s6 y=2x>—5x+1 12 ...............
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BAI TAP TONG HOP PHAN 1

an an an

DA
1.11 Ching minh ring: x* —vx® + x—vx+1>0,¥x>0. HD dat r=+/x .
1.12 Chimng minh ring: 72 2%¢ c¥as o
c a b
1.13 Cho a+b=2. Chiing minh ring:
a) a’+b*22  b)a'+b*22 ¢) d*+b°>2
a b
1.14 Cho a>0, b>0. Chimg minh —=+——2>+/a ++/b
5 Ja
1.15 Churng minh céc bét dang thirc sau:
@ 5(x—1)<x’ -1<5x*(x=1),néu x-1>0. @ X’ +y’ —x'y—xy* >0, biét x+y>0
@ V4a+1+4b+1+~4c+1 <5, biét a, b, c>—i, a+b+c=1.
1.16 Chirng minh rang néu a >b va ab>0 thi l<l
a
1.17 Ching minh rang a® +ab+b* >0 véi moi sb thuc a, b.
1.18 Churng minh rang:
2 2 3 3
@atb a b aFh ka0 va b0,
2 2 2
2 2 3 3 6 6
®a+b_a +b a +b Sa +b ,néu a. b. ceR.
2 2 3 6
1.19 Chimg minh ring, néu x>y >0 th ——>—2—
x+1  y+1
1.20 Chirng minh rang:
@D Néu a, b 1 hai sb cling dAu thi %Jﬁzz @ Néu a, b 1 hai sb trdi dAu thi %ﬂs-z
a a
4 4 4
1.21 Chutng minh rang néu a, b, ¢ >0 thi: a—+b—+c—23abc.
C a
1.22 Chutng minh rang néu a, b, ¢ >0 thi: (a+b+c)2 S3(a2+b2+cz).
a+b+c+d)\
1.23 CMR néu a, b, ¢, d khong Am thi: (—j > abed .
1.24 Chimng minh réng néu a, b khong am thi: 9472 < 4 b
l+a+b 1+a 1+b
1.25 Chirng minh céc bét dang thic sau:
@ a+b+c2~ab+bc +-ca ,véi a=0, b>0, ¢20.
@ a’b* +b*c* +c*a* 2 abc(a+b+c), voi a, b, ce R.
1.26 Chirng minh céc bét dang thirc sau:
2 2
@ @ +6 >24,v01 aeR. @ a3 >2,v01 aeR.
Va’ +2 Va’ +2
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1.27 So sénh: Va+2++Ja+4 vaJa+vJa+6,véi a>0.

1.28 Cho a, b, ¢>0. Ching minh rang: a* +b* +c* > abc(a+b+c).

1.29 Cho a, b, ce(0; 1). Ching minh rang it nhit mt trong cdc bt dang thic sau la sai:
1 1 1
a(l-b)>—, b(l—-c)>—, c(l—a)>—.
(1-0)> L b(1-0)> L e(1-a)>

1.30 Giastr a, b, ¢ 1aba sé duong sao cho: ax+b(1-x)>cx(1-x) v6imoi gid tri cua x. Chirng minh

rang khi d6, véi moi gid tri cia x ta ciing c6: ax+c(1—x)>bx(1-x) va bx+c(1-x)>ax(1-x).

1.31 Cho céc sb thyc x, y, z>0. Chimg minh: 16xyz (x+y+z)< 3{/(x+ v (y+z2) (z+x)"
1.32 Cho céc sé duong a, b, ¢ théa mdn abc =1. Chimg minh ring:
a b’ e’
+ +
(1+b)(1+c¢) (1+a)(1+c) (1+b)(1+a)

1.33 Cho a, b, ¢>0 va a+b+c=6. Chimg minh ring: (1+i3j(1+b—13j(1+i3j27—29
a

1.34 Cho a, b, ¢ la dg dai ba canh ciia mdt tam gidc, p la nira chu vi.
Chirng minh rang: \/; < \/p —a +\/p—b +\/p—c <J3p

1.35 Cho a, b, ¢, p, g 1a 5 s6 duong tuy y. Chirng minh rang: A b +—C > 3
pb+qgc pc+qa pa+gb p+gq

2 2 2
136 Cho a, b, ¢ 1a basb khdc 0. Ching minh ring: % +2 +< 2942, ¢
) ) ) b~ ¢ a> b ¢ a
1.37 Ap dung BDT C6-si dé tim gid tri nhd nhat ciia cdc ham s6 sau:

@y=2+8 (ws0) @ y=2+8 (was ®y=24 L (vr>o
2 x 2 X 2 x+1
3
@ y=F42 (‘v’x>lj ® y=—"12 (V:0<x<l) @y:X:rl (Vx> 0)
3 2x-1 2 I-x x X
1.38 Ap dung BDT C6-si dé tim gid tri nho nhat ctia cdc ham s6 sau:
@ y=(x+3)(5-x) véi (3<x<5) @ y=x(6—x) véi (0<x<6)
® y=(x+3)(5-2x) (—3Sx£%) @ y=(2x+5)(5-x) (-5/2<x<5)

® y=(6x+3)(5-2x) (-1/2<x<5/2) ® y=xV9-x* (-3<x<3)
1.39 Giai cac phuong trinh, bit phwong trinh, hé¢ phuong trinh sau:

@ Va2 —2x+5+Jx—-1=2 DS: x=1
@ |ax-1+2[2x-1|=1 DS: Yi<x <V
@ Jx—142Jx—2 —\Jx—1-2Jx-2 =2 PS: x>3
@ 247x° — 116 +25x—12 = x* + 6x—1 DS: x=1vx=7
@2x4+(1—2x)4:2—17 DS: x=1/3
® Vx+Vl-x+¥x+31-x=V2+48 DS: x=1/2
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@\/x—\/x2—1+\/x+\/x2—132 PS: x=1

® [3x+1 <|2x—1|+|x+2] DS: xe R
@ |2x+3|2[3x+5]—|x+2] DS: xe R
X +\/1—xs\/}
Jay bs: (1; 1)
2 xy—x+\/;:1
Je—y iy —x=2 145 145 (1-45 1-5
@ S: ; : ; (0:-1),(-1;0)
4y —x—y=2 2 2 2 2
1.40 Cho a, b>0.Tim GTNN cua biéu thirc: S :%+2.
a
1.41 Cho a>3.Tim GTNN ctia bidu thirc: § =+
a
1.42 Cho a>2.Tim GTNN cua biéu thirc: S :a+i2.
a
1.43 Cho a, b>0 vd a+b<1. Tim GTNN cua biéu thirc: S :ab+ib.
a
1.44 Cho a, b>0. Tim GTNN cta bidu thie: § =22 4 Jab
\/E a+b
1.45 Cho a, b, c>0 va a+b+c£%. Tim GTNN cta biéu thie: S :a+b+c+l+%+l
a C

2
a

: 1 1 1
1.46 Cho a, b, c>0 va a+b+c£%. Tim GTNN cua biéu thrc: S:\/a2+?+\/b2+—+\/c2+—2
(&

1.47 Cho a, b, c0 va a*+b*+c¢* =1. Tim GTNN cua: S :a+b+c+%
abc

1.48 Tim gid tri nho nhit cta biéu thirc: P = (3+l+1j (3+1+1j (3+1+lj
a b b c c a

2 2 2
149 Cho a, b, ¢ khic 0. TimGTNNcta T=—4 4 0", <
a’+(b+c) b’ +(c+a) c+(a+b)

1.50 Cho 3 s6 thuc duong a, b,c théa a’+b*+c*=1. Tim gid tri nho nhdt cia biéu thic:
p=db be ca
c a b

1.51 Cho hai s6 thuc a va b thoéa didu kién a+b =2 . Tim gid tri nh6 nhit cia biéu thirc: A =a®+b".

1.52 Cho x, y 1a hai s6 thay doi va thoa man diéu kién 0< x<3, 0< y<4. Tim gid tri 16n nhét cua
P=CB-x)4—-y)2x+3y).

at+b b+c c+a
+ +

1.53 Cho 3 sb duong a, b, ¢. Tim gid tri nh6 nhét cua biéu thic: T = b
C a

1.54 Véi a, b, ¢ 1a d0 dai 3 canh cia mt tam gidc.
e . 1
Tim gia tri nho nhat cua: T = 4a + o + b .
b+c—a c+a-b a+b-c
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BAI TAP TRAC NGHIEM PHAN I

an an an

DA A

TN1.22 Cho a>b>0. Bét dang thirc no sau day ding?
A. @’ +b* >(a+b)(a-b)". B. (a+b)’ >4ab.
C. a(a+2b)>b(b+2a). D. Ca 3 dép dn trén.

TN1.23 Cho 2 s6 a va b . Céau nao sau day sai?
o=t _fd
I+|a—b| 1+|a| 1+[p]

A. 4(1-a)’ 22-4d.

e b D.4ab(a—b)’ <(a’—b*).
I+a 1+b

TN1.24 Cho a, b, ¢ v6i a<b va a<c.Cau nao sau day ding?

A. a* <bc. B. 2a° -b* <c’. C.2a-b<c. D. Ca 3 dép 4n trén.
TN1.25 Cho a, b, ¢, d v6i a>b>0 va ¢>d >0. Bt dang thiic nao sau diy sai?

A.a+c>b+d. B.a-c>b—d. C. ac>bd. D. a’+c>>b’ +d°.
TN1.26 Cho 3 sb a, b, ¢ khong 4m. Bét ding thirc ndo sau ddy sai?

2

A. (a+b—c)zé3(a2+b2+cz). B. (\/5+\/B) > 4-Jab .

C. ab+bc+ca<a’+b*+c*. D. (a+b)(ab+1)24ab.
TN1.27 Xét cdc ménh dé sau day:

L. a3—b3S%(a—b)(a2+b2). . a+b>2ab . IIL (a+b+c)223(ab+bc+ca).

Ménh dé nao diing?

A.Tvall B. II va III. C.Ivalll D. I, I va IIIL.
TN1.28 Bit dang thirc nao sau day sai?

2 6
AL g Yo+l 1 ¢ Nab 1 D. Ca 3 ddp 4n trén.

J2+2 T at+5 47 Tab+17 2
TN1.29 Cho a, b, cla 3 canh cua tam gidc. Xét cdc bat ding thirc sau day:

L. a*+b*+c* > ab+bc+-ca.
IL a’+b*+c*>2(ab+bc+ca).

II1. a(b—c)2+b(c—a)2+c(a+b)2 >a’+b +c’.

Bt dang thirc nao diing?

A. Chi L. B. Chi II. C. Chi III. D. I valll
TN1.30 Cho a, b, c 1a 3 s0 khong am. Xét bat dang thuc nao sau day ding?
A. (Va+b)(Nab+1)= 4Vab B. @’ +b <(a+b)ab.
C.a*+b*+c*<ab+bc+ca. ’ D.Ca AvaC.
TN1.31 Cau 10. Cau nao sau day ding véi moi so x vay ?
2 2
A. 4(x—lj S(xz—lj . B. x4—y422(x2—y2)xy.
X X
1 X , N
C. x+—22\/:. D. Ca A vaB.
y y
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TN1.32 Cho a, b, c duong. Bit dang thirc nao diing?

a+b b+c c+a a+b b+c c+a
+ + + +

A. >8. B. 6.
c a b c a b
c atb brc ctayy D.CaAvaC.
c a b
TN1.33 Cho a, b, c duong. Cau nao sau day sai ?
A.d’ +b’ 2ab(a+b). B.(a+b)(b+c)(c+a)<8abc.
C.akﬂfzj{a+bf. Dr£+12 4 .
2 a b a+b
TN1.34 Cho a, b, c duong. Bit dang thirc nao diing?
2 2 2
AL Al g B. (a+b+c)(l+l+ljé9.
a b c a b c
1 1 1 \ R
C.|—+al|l—+b || —+c|=8. D.CaAvaC
b c a
TN1.35 Cho x*+ y*> =1. CAu ndo sau day sai ?
A 12x+5yI<£13. B. 12x+5yIL17.
C.112x+5y£169. D. [12x+5yI<289.
TN1.36 Cho bén sé a, b, x, y thoamin x*+ y*> =2, a=3x, b=3y. Tim bét ding thirc diing.
A. lax+byl<3. B. lax+byl<9.
C.M(x+y)+b(x—yﬂ£3¢g. D.M(x+y)+b(x—yﬂ£54.

TN1.37 Tim gi4 tri 1on nhit ciia ham s§ y =—2x> +15x—25 trén B;s}

A2 B. 2. C.0. D.2.
4 8 4
TN1.38 Tim gid tri nho nhit ciia ham sé y = . (x>1).
x_
A 1442, B.1-/2.
C. 2. D. 242 +1.
TN1.39 Tim gié trj I6n nhat ctia ham s6 y =—x*—32x" trén [0; 2] .
A. 64. B. 0. C. 32. D. 8.
TN1.40 Tim gié tri nhé nhat ciia hamsé y=a 10 siaso.
a
A. 16. B. 8.
C. 4. D. 2.

TN1.41 Tim gié trj 16n nhat va gid tri nho nhit cia A=+7—x+x+2 v6i 2<x<7.
A.18va 9. B.18 va 3.
C.9 va 3\/2. D. 32 va 3.
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH

PAP AN TRAC NGHIEM PHAN 1

1 213|415 6 | 7 8 | 9 |10 |11 |12|13 (14 |15|16 |17 | 18| 19|20
c/B|C| D/ D|lA|B|C|A|C|/B|B|/D/B|D|A|A|D|A|D
21 |22 123 (24 |25 (26|27 |28 |29 |30 |31(32(33|34|35|36|37|38]|39]40
D|/D|C|B|C|A|D|A|B|D]|C D/ D|A|D|D
41 | 42 | 43 |44 |45 |46 | 47 | 48 | 49 | 50 |51 |52 |53 |54 55|56 |57 (585960
C/|A|B|B|C|A A|D|C|  D|D|B|A|D|C B|C|C|B
61 | 62 | 63 |64 | 65|66 |67 |68|69|70/(71 7273 |74|75]|76
A|lC|D/ D/IA|D|B| B/ D|/A|C|B|D|A|B|D

TN1.32 A. >;B. >; C. >.

TN1.33 A. sai; B. ding; C. ding.

TN1.34 A. <;B.>; C. 2; D. <.

TN1.35 A. sai; B. ding; C. sai; D. ding.

TN1.56 Zﬁkhixzz;—% khix:%
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3. BAT PHUONG TRINH
HE BPT BAC NHAT MOT AN

1. Diéu kién xdc dinh ciia bt phiong trinh:
Piéu kién ciia bat phirong tinh la diéu kién ma dn so phdi théa man dé cdc biéu thirc & hai vé

PRI

ciia bat phwong tinh ¢6 nghia. Cyu thé, ta cé cdc truong hop sau:

@ Dang

1 .
— Diéu kien: Q(x)#0

0(x) )
@Dang %"/P(x) (ne N¥) — Piéu kién: P(x)ZO

Dang *{|P(x) (ne N¥)  — Diéu kién: P(x) cé nghia
1

Ve(x)

2. Hai bt phuong trinh twong dutng:

Hai bdt phwong trinh dwoc goi la twong dwong véi nhau néu chiing ¢é cing mét tdp nghiém.
Chii ¥: Hai bdt phirong trinh cing vo nghiém thi twong dwong.

3. Gidi vés bign lugin bt phuvng trin béc nhdt dang: lax + b < 0

® Dang

— Diéu kién: Q(x)>0

Diécu ki¢n Két qua tdp nghigm
b
a>0 S =(—°°;——j
a
b
a<0 S = ——;+°°j
a
0 b=0 §S=0
“= b<0 S=R

Cdc dang:ax+b>0, ax+b>0, ax+b <0 lam tuong tu.

Dang 1. Tim diéu kién xdc dinh cia bat phuong trinh

an an an

DA

A. PHUONG PHAP GIAI

Xem phan tém tdt Ii thuyét

B. BAI TAP MAU
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vD21 Tim diéu kién xdc dinh cia mi bat phwong trinh sau:

1 1 1 2x 2x
D -<1-— @ < @ 2|x-1+/x—-1 <=
X x+1 =4 x*—4x+3 | | x+1
@ 21— x >3x+ ® V3—x+/x+1<x32 @)x+l<1+l
x+ X X

VD22 Ching minh céc bat phuong trinh sau day vo nghiém:

@ x*+J/x+8<-3 @ V1+2* —N7+x7 >1 ® 1+2(x—3)2+\/5—4x+x2<%
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C. BAI TAP CO' BAN

<x+1

2

2.1 Cho bat phuong trinh: x
(x-2)

@ Tim diéu kién ctia bat phuong trinh da cho.
(@ Tim tat ca céc gid tri ciia x thoa man diéu kién do.

2.2 Tim tap hop tat ci ca gid tri ciia x thoa min diéu kién bat phuwong trinh: v/3—x +/x—-5>—-10. Tir
d6 suy ra rang bat phuong trinh di cho vo nghiém.

2.3 Tim diéu kién ctia mdi bét phuong trinh sau:

@ 2x-3-

<x*—x @ <1
x_

@\/xz—x—2<% @ Yxt+x-1+x*=120

2.4 Chirng minh cic bat phuong trinh sau ddy v6 nghiém:

@ x>+ 21+1<1 @\/xz—x+l+%<2 @V +1+x =2 +1 <2410 +1
X X —x+

D. BAI TAP NANG CAO

2.5 Tim diéu kién ctia mdi bét phuong trinh sau:

D Vx-22V2-x @ 2x-3 <1+/2x-3

3 1 1
) @ 3x+ >2+
Vx=3 /x-3 x=2 x=2
® 1 1 59 @\/x+1+ 1 1

(x+1)2+X—3 x—1 (X—Z)(x—3)>x—4

2.6 Chirng minh cic bat phuong trinh sau ddy v6 nghiém:

@ Jx-2+1<0 @ (x-1)"+x*<-3
@ X +(x=3)"+2>(x=3) +x7 +5 @ J1+2(x+1)" +/10—-6x+x> <2

2.7 Chitng minh cic bat phuong trinh sau day luén ding véi moi xe R

_92Y
@D x*+x*+1>0 @()62—)20 @ X*+(x-D*+ 21 > x°
x°+1 x +1
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Dang 2. Bdl phitong rinh twong duong

an an an

DA

A. PHUONG PHAP GIAI

1. Bdt phuong trinh twoeng dutng:
v' Hai BPT twong dwong nhau khi chiing cé chung tdp nghiém.
v’ Hai BPT cung vé nghiém thi twong duwong nhau.

2. Cdc phép bién déi tuong dung:

Cho BPT f(x)<g(x), c6 TXDP D va h(x) ciing xd trén D.

v f(x)<g(x)e f(x)+h(x)<g(x)+h(x)
v f(x)<g(x)e f(x)h(x)<g(x).h(x) néu h(x)>0, Vxe D
v f g(x)e f(x)h

x <g
(x)<g(x) x).h(x)> g(x).h(x) néu h(x)<0, Vxe D

B. BAI TAP MAU

VD23 Giai thich vi sao cdc cip bt phuong trinh sau twong dwong ?

@ —4x+1>0vadx—1<0 @ 2x*+5<2x—1va 2x*=2x+6<0

@ Jx—12x va (2x+1)Vx—12x(2x+1)

@ x+1>0va x+1+

X+l X+l

VD24 Trong hai bt phuong trinh sau ddy, bat phwong trinh ndo twong duong véi bt phuong trinh

1 1 1 1
2x-1>0 ? @ 2x—1+ @ 2x—1— >
x x-3 x-3 x+3 x+3
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2.8

29

C. BAI TAP CO' BAN VA NANG CAO

Céc cap bat phuong trinh sau day twong dwong khong ? Vi sao ?

@ 2x-1>0 va 2x—1+ 51 @ 2x-1>0 va 2x—1+ 51
x=2 x-=2 x+2 x+2

® x-3<0 va x*(x—3)<0 @ x—3>0 va x*(x=3)>0
® x-2>0 va (x=2)" >0 ® x-5>0 va (x=2)(x*~2x+2)>0
Trong bdn cip bat phuong trinh sau ddy, hiy chon ra cic cip bat phwong trinh twrong duong (néu co):
@ x-2>0va x*(x—2)<0 @ x-2<0vax*(x-2)>0
® x—2<0va x*(x-2)<0 @ x—2<0va x*(x-2)20

Dang 3. Gidi bdl phung trinh béc nhat mét dn

SO0

A. PHUONG PHAP GIAI

- Buwéc 1. Dat diéu kién cho bdt phwong trinh c6 nghia (néu cd)
- Bwée 2. Chuyén vé va gidi.
- Bwoc 3. Giao nghiém voi diéu kién duoc tdp nghiém S.

B. BAI TAP MAU

VD25 Giai cdc bat phuong trinh sau:

@ (x+2)(2x-1)-2<x"+(x=1)(x+3) @ (2x—1)(x+3)-3x+1<(x—1)(x+3)+x* -5

3x+1 x-2 1-2x
@ —~ <
2 3 4

@(l—ﬁ)x<3—2x/5 @(x+ 3)22(x—\/§)2+2

3 x—gz—x+1>x+3
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C. BAI TAP CO BAN VA NANG CAO

2.10 Giai c4c bat phuong trinh sau:

®3x;5—1sx;2+x @ 2x-D+x> 313

® (x++2) (x—V2) +2 @ x(7-x)+6(x—1)<x(2-x)
@x-|2-2+x;2+x;123+£ ® (x+1)(2x—1)+x<3+2x

@ X+\/;>(2\/;+3)(\/;—1) (x+1)(x+2)(x+3)—x>x"+6x* -5

2.11 Giai céc bat phuong trinh sau:

@ /(x=4)" (x+1)>0 @ J(x+2)" (x=3)>0

@ (x+2)Vx+3/x+4<0 @ (x+2)./(x+3)(x+4) <0

® J(x-1)"(x-2) 20 ® V2x-8—/4x-21>0

Dang 4. Gidi hé bdl phiong trinh béc nhat mét dn

an an an

XA

A. PHUONG PHAP GIAI

- Buwéc 1. Ddt diéu kién cho hé bat phuong trinh c6 nghia (néu co)
- Buwéc 2. Gidi timg bdt phwong trinh ciia hé réi ldy giao cdc tdp nghiém thu duworc.
- Bwoc 3. Giao nghiém voi diéu kién duoc tdp nghiém S.

B. BAI TAP MAU

6x+§<4x+7 15)(—2>2)c+l
VD26 Giai cdc hé bat phuong trinh sau: @ 7 @ 3
8x+3 3x—14
<2x+5 2(x—4)< 5
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C. BAI TAP CO' BAN VA NANG CAO

2.12 Giai cdc hé bat phuong trinh sau:

5x+2>4_
5x—2>4x+5 2x+1>3x+4 a3 o
Sx—4<x+2 S5x+32>8x-9 6—5x
<3x+1
, 4x—5 3 x—1<2x-3
(I-x) >5+3x+x" <A 4
@{ 3 3 2 @ \ 7+8 @ 3x<x+5
(x+2) <x’+6x*—7x-5 XS 55 5-3x_ 4
4 2
3 2x-7
6x+%>4x+7 15x—2>2x+% —2x+§> x3
@ ©@
8x+3<2x+25 2()C_4)<3x—14 x_l<5(3x—1)
2 2 2
3x2+1_3;xsx1-1_2x3—1 3x+§<x+2 4x+5<x_3
2x+1 4 ® 6x—3 © Tx—4
3-=2 >t T2 cox+1 2x+3> >
2.13 Tim tit ca cdc nghiém nguyén ctia mdi hé bat phuong trinh sau:
42x+5>28x+49 45x—2>6x+%
@ {8x+3 @
<2x+25 2(3x_4)<9x—14
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Dang 5. Bdl phuvng trinh, hé bdl phung trinh béc nhdt mét dn chuta tham a6

an an an

DA

A. PHUONG PHAP GIAI
1. Gidi va bién ludn bdt phubng trinh bdc nhdt dang: ax + b < 0

Dieu ki¢n Két qud tdp nghigm

b

a>0 S:(_oo;__j

a
b
a
~0 b=20 S=0
‘" b<0 S-R

2. Gidi o i i bt phtin i dgng: (a:+ ) a5+ ;) >0 hic 71
a,x+b,

. b, b .
o Pat x,=——L, x,=—=2. Tinh x, — x,.
1 2 1 2
a; a,

® Lap bang xét dau chung a,.a,; x, —Xx,.

e Tir bang xét ddu, ta chia bai todn thanh nhiéu triong hop. Trong méi truong hop ta xét

Ao, . ax+b, . .2 £
dau cia (a,x+b,)(a,x+b,) hodgc ———> nho qui tac dan dau.
a,x+b,

. ax+b >0 (1
3. Giai va bién ludn hé BPT bdc nhdt dg { ! ! M
a,x+b,>0 (2)
* Giai(l); (2) timtap nghiém S,, S, tuong ung = Tap nghiém cua hé¢ la S =S, NS, .
® H¢ conghiémkhi S =8NS, #J.

® H¢vonghiemkhi S=SnNS,=3.

. f
® H¢ co nghiém duy nhat khi hé co dang { (

B. BAI TAP MAU

vD27 Giai va bién luan bat phuong trinh sau theo tham s m :

@ mx+1>x+m? @ 2mx>x+4m-3
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memm&mwmmmm{

x+m<0 =
c6 nghi€ém ?
-x+3<0

WMTmm&mwmmwm{

x=7<0 . o
vO nghiém ?
mx2m+12
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VD210 Tim m dé bat phuong trinh mx—3m+2 >0 c6 tap nghiém 1a khoang (0;+c0).

2.14

2.15

2.16

2.17

2.18

2.19

C. BAI TAP CO' BAN VA NANG CAO

Giai va biét luan cac bét phuong trinh sau:

@m(x—m)é4x+5 @ mx+6>2x+3m @(x+1)k+x<3x+4
@(a+1)x+a+324x+1 @m(x—m)>2(4—x) @3x+m22m(x+3)
@ k(x-1)+4x=5 ®b(x—1)<2-x
Tim m dé mdi bat phwong trinh sau v6 nghiém:
@ m*x+4m-3<x+m? @m2x+12m+(3m—2)x
C3)3—mx<2()c—m)—(m+1)2 @ mx—m*>>mx—4
Tim m dé mdi bat phuong trinh sau c6 nghiém:
@m(x—m)éx—l @ mx+6>2x+3m
@(m+1)x+m<3m+4 @ mx+1>m>+x
Tim m dé mdi hé bat phuong trinh sau c6 nghiém:
3x—2>-4x+5 x—2<0 ©) x+4m* <2mx+1 dx—5>-3x+2
3x+m+2<0 m+x>1 3x+2>2x-1 3x+2m+2<0

Tim m dé mdi hé bat phuwong trinh sau v6 nghiém:
2x+7<8x—1 ® (x=3)" 2 x> +7x+1 @ |9 <3xem’ 2x+7<8x~1
—2x+m+52>0 2m—5x<8§ 4x+1<—-x+6 m+5<2x

Tim m dé mdi bat phuwong trinh sau c¢6 tap nghiém 1a D cho trudc:

@ x+m=1 c6 tap nghiém D =[-2; +)
@ 2x-m<3(x-1) c6 tap nghiém D =(4; +o0)
@ mx-1622(x—m’) c6 tap nghiém D =[-38; +oo)
@ m’(x+2)<m* (x-1) c6 tap nghiém D =R
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® m(x+m)<1 c6 tap nghiém D=0

TN2.1

TN2.2

TN2.3

TN2.4

TN2.5

TN2.6

TN2.7

TN2.8

BAI TAP TRAC NGHIEM CHU PE 3

an an an

DA XA

Cho cdc ménh dé sau:
(I)  x=1 1a nghiém cta bat phuong trinh 2x—1>0.
(II)  x=-1 la nghiém cua bat phuong trinh 2x—-1>0.

dam S= [%&ooj 1a mot tap nghiém ctia bat phuong trinh 2x—1>0.

avy)y §= [% ; +ooj 1a mot tap nghiém ctia bat phuong trinh 2x—1>0.

S6 ménh dé ding 1a:
A. 1. B.2. C.5. D. 4.

Cho bat phuwong trinh +/2—3x <3. Hay chi ra gid tri cia x khong phai 1a nghiém cia bat
phuong trinh da cho trong cic gid tri sau :

A.X:—E B.)C:—l C,_x: D.X:E
3 3 3

1
3
X < 3 3 ~ M . 2 2 <
Cho bat phuong trinh x+ ) =2+ ) (1). Hay chon khang dinh ding trong cic khang
xX— xX—
dinh sau. Tap nghiém ctia phuong trinh la
A. S =[2;+00). B. S =(2;+c). C. S=R\{2}. D. S =(—o0; 2).

Cho bat phuong trinh +/x—3 >+/3—x . Hiy chon khang dinh diing trong cic khang dinh sau.
Tap nghiém cuia bt phuong trinh 1a
A. S =(3i4oo). B. (—o;3). C. s={3}. D.5=0.

Cho bét phuong trinh /2x+1+1> 0. Hiy chi ra khing dinh sai trong c4c khang dinh sau.
A. Bét phuong trinh dd cho ¢6 nghiém diing v&i moi x thudc [_?1,%} .

B. Bét phuong trinh d4 cho ¢6 nghi¢m diing v6i moi x thudc (0;+co).
C. T4p nghiém ciia bat phuong trinh dd cho 1a R .
D. Tép nghiém ctia bt phuong trinh da cho 1a [%lﬁooj .

Cho bét phuong trinh |x|+2x > 0. Tap nghiém cta bat phuong trinh 1a
A. R. B. (0;+). C. (—;0]. D. [0;+e).

Tép nghiém ctia bAt phuong trinh x* +(x—1)" + % >x 1a
X
A.R. B. [0;+c0). C. (0;+00). D. [I;+0).
Cho bt phuong trinh (3—2x)v/3x+2 >0 (1). Hay chi ra két luan sai trong céc két luan sau.

Bét phuong trinh (1) ¢6 nghiém diing véi moi x sao cho

36
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A. —ng<O. B.OSx<§. C. —géx<§. D.xéé.
3 2 3 2 2
TN2.9  Hiy chon két luan diing trong cdc két luan sau.
Tap nghiém cua bit phuong trinh Vx—2 +/x+1<0 1a
A . R. B. [1;2]. C. 2. D. (—o0;1) U(2;+00)

TN2.10 Trong cdc bat phuong trinh cho sau ddy, hdy chi ra cdc bat phuong trinh tuong duong véi bat
phuong trinh 4x+1>0.

(1):4x—%>i—j (2):(2vx +1) >4
(3):4”);24:11”_2 (4):4x+x21+1>x_2):-21
A (1) va (2). B. (2) va (3). C. (3) va (4). D. (1) va (4).

TN2.11 Hay chi ra sai lam & budc ndo trong cic bude giai bat phuwong trinh Ll > 1 (*):
x+1 x

A. Diéu kién cua bat phuong trinh: x #—1 va x#0.
B.(*)= 2x>x+1.
C. ox>1.

D. Tap nghiém cta bat phuong trinh da cho Ia (1;+0).

TN2.12 Hiy chi ra sai ldim & budc nao trong cdc budc giai bat phuong trinh
x*=2x=3>(x+1)(2x+5) (*)
A (%) & (x+1)(x-3)>(x+1)(2x+5).
B. ©x-3>2x+5.
C. x<-8.

D. Tép nghiém ctia bt phuong trinh da cho 1a (—oo;8).

TN2.13 Hay chi ra sai 1dm & budc nao trong cdc budc giai bat phuong trinh /x> +1 < x+2 (¥)
A. (%) o X +1<(x+2)". B. & X’ +1< x> +4x+4.

C. &4x>-3. D.<:>x2_?4.
TN2.14 Xét cdc ménh dé sau, ménh dé nao 12 ménh dé sai ?
A. Tap nghiém cua 2x-3>0 1a S =(%; +<><>j .

B. Tap nghiémcua 3—-2x>0 1a § = (—oo; %j .

C. Tap nghi€ém cua 2x—3<01a S :(—%; +ooj.

D. Tap nghiém cia -3-2x>0 1a S = (—oo; —%j

GV. Tran QuocNghia 57



CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

TN2.15

TN2.16

TN2.17

TN2.18

TN2.19

TN2.20

TN2.21

TN2.22

2x=5(x+1)<4

, ¢ tap nghiém la

Hé bat phuong trinh
| P g {(m2+1)x—2<mx

A. § =(—o0;-3) B.S=0 C. § =(3;+00) D. §=(-3;2)

. T_4<x+2
Hé bét phuong trinh{ ™ * c6 tap nghiém Ia
x+2<0

A. S =(3;4) B.S=0 C. S=[-2;3) D. (—o0;-2]
2x—123(x-3)

Heé bat phuong trinh Z;ZX <x-3 c6 tap nghiém la
Jx-322

A.S=0 B. S =[7;+) C. Sz(—;Sj D. [7;8]

X o 12x=3K1 e
H¢ bat phuong trinh cO tap nghiém la
[1-2x>3

A. S :(—oo;—%j B. S =(2;+00)

C.s =G;2j D. s =(—oo;—%ju(2;+oo)

Cho bat phuong trinh ax <3 (*). Ménh dé nao sau diy 12 ménh dé sai ?
A. Khi g =0 thi tdp nghi¢m cua phuong trinh (*) 1a § =9 .
3

B Khi a >0 thi tap nghiém cua phuong trinh (*) la § = (—oo;—} .
a

C. Khi a <0 thi tap nghiém cua phuong trinh (*) la § = [g, + ooj .
a

D. Khi a =0 thi tap nghiém cua phuong trinh (*) 1a S =R.

Cho bt phuong trinh ax <0 (*). Ménh dé nao sau day 12 ménh dé sai ?
A. Khi a>0 thi tap nghiém cla phuwong trinh (*) 1a § = (—o0;0].

B. Khi a <0 thi tap nghi€m cua phuong trinh (*) 1a § = [O; +o0).

C. Khi a =0 thi tap nghiém cua phuong trinh (*) la S =R.
D. Khi a =0 thi tdp nghi¢m cua phuong trinh (*) 1a § =9 .

Cho bit phuong trinh ax >1 (*) . Ménh dé nao sau day 12 ménh dé sai ?

1
A. Khi a >0 thi tdp nghiém cta phuong trinh (¥) 1a S = (—;+ooj .
a

1
B. Khi a <0 thi tap nghi€m cua phuong trinh (*) 1a § = (—oo;—j .
a

C. Khi a =0 thi tap nghiém ctuia phuong trinh (*) la § = .
D. Khi a =0 thi tap nghiém cua phuong trinh (*) 1a S =R.

Cho bét phuong trinh (m—1)x>m” —1 (*). Ménh dé nao sau ddy 1a ménh dé sai ?

38
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A. Khi m>1 thi tdp nghi¢m cua phuong trinh (*) 1a § = .
B. Khi m <1 thi tdp nghiém cta phuong trinh (*) 1a S =(—eo;m+ 1] .
C. Khi m =1 thi tap nghiém cua phuong trinh (*) la S =R.
D. Khi m >1 thi tap nghiém cua phuong trinh (*) 1a S = [m+ I;400).

TN2.23 Chon khing dinh sai. Bt phuong trinh m’x < 4x—1 v nghiém khi
A.m=0 B.m=2
C.m=-2 D. m=2 hodc m=-2
TN2.24 Cho bt phuong trinh mx+2 > x+2m (*). Khing dinh nao sau day 1a khing dinh sai ?
A. Khi m=1 thi tdp nghi¢m cua phuong trinh (*) 1a S =R.
B. Khi m =2 thi tap nghiém cua phuong trinh (*) 1a S = [2;+oo) .
C.(He(m-1)x22(m-1)ex22.
D. (*) C6 nghi€ém v&i moi gid tricua m .
TN2.25 Khing dinh ndo sau day Ia khang dinh sai ?
A. Bat phuong trinh bac nhit mét an luén c6 nghiém.
B. Bit phuong trinh ax+b <0 v nghiémkhi ¢ =0 va h>0.
C. Bit phuong trinh ax+5b <0 c6 tap nghiém 1a R khi =0 va b<0.
D. Bit phuong trinh ax+b <0 vd nghiémkhi ¢ =0.
2x+322-x

. Hay chon két luan diing trong cdc két luan sau.
x-m<0

TN2.26 Cho hé bat phuong trinh {

Hé bét phuong trinh da cho c6 nghiém khi

A. me (—oo;_—lj. B. me {—l}
3 3

C. me(%l;+00j. D.me .
mx+2m>0
TN2.27 Cho hé bt phuong trinh { 2y 43 | 3yx . Xét cdc ménh dé sau:
> —_
5 5

(I) Khi m<0 thi hé bat phuong trinh di cho v6 nghiém.
(II) Khi m =0 thi hé bat phuong trinh di cho c¢6 tap nghiém 1a R .

. 2
(IIH)Khi m >0 thi h¢ bat phuong trinh da cho c6 tap nghiém la (g ;+ooj .

. 2
(IV)Khi m > 0 thi h¢ bat phuong trinh da cho c6 tap nghiém la (g ;+ooj .

Trong cic ménh dé trén c6 bao nhiéu ménh dé ding ?
Al B. 0 C.2 D.3
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Chi dé @ DAV CUA NHI THUC BAC NHAT
BPT OUI VEE BPT BAC NHAT MOT AN

1. Ddu ciia nhi thitt béc nhdl: f(x) = ax + b
a) Sur dung badng xét ddu: (trdi trdi- phdi cang: voi hé sé a)

b
X — oo _ + oo
a
a>0 — 0 +
f(x)=ax+b <0 N 0 —
b) Sur dung truc sé: b

_;/// f(x)=ax+b>0
& » X

’

e  Néua> 0 thi:

f(x)=ax+b<0

’
_______________ e

f(x)=ax+b>0

_\\
° Neéu a < 0 thi: : » X

f(x)=ax+b<0'

N
\

b
2. Bdl phuong trinh tich s6: a
e Dang: P(x).Q(x)>0. Trong @ P(x), Q(x) la cdc nhj thitc bdc nhat.
e Phuong phdp: Ldp bang xét diu P(x).Q(x). Tir d6 suy ra tdp nghiém.

3. ‘Bdl phuong trinh chita dn 86 ¢ mau:

P ,
® Dang: QEX; >0(2). Trong do P(x), Q(x)l& nhi thuee bdc nhat.
X
P(x)

e Phuwong phdp: Lip bang xét diu

. Tur do suy ra tap nghiém.

Q(x)
» Luu y: Néu bdt phuong trinh chuwa ¢é dang nhu bpt (2) thi ta dua vé bpt (2) theo cdc bude:
“Chuyén vé — Qui dong khong khir miu .

Dang 1. ‘Xét ddu biéu thitc

an an an

DA

A. PHUONG PHAP GIAI

X — oo - + co
a

f(x)=ax+b ‘ trdi ddu véi a 0 cing dau véi a
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B. BAI TAP MAU

VD21 Xét diu cdc biéu thirc sau:

@ f(x)=3x+2 @ f(x)=-2x+5 3 f(x)—4_3x

S 2x+1

® f(x)=(4x—1)(x+2)(3x-5)(7-2x)
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VD212 Xét diu cdc biéu thirc sau:

@ f(x)=4x"-1 @ f(x)=2x2—(2+x/§)x+\/§ ® f(x)=x"+x"-5x+3
1 1 x —6x+8 x> +4x+4
D1 ):3—x_3+x @f(x):x2+8x—9 © 7(x)= xt =257

C. BAI TAP cO BAN VA NANG CAO

2.20 Xét diu cdc biéu thuc sau:

@ f(x)=(2x-1)(x+3) @ f(x)=(-3x-3)(x+2)(x+3)
)c()c—3)2 2x+1
® f(x)=———"— @ f(x)=——"—
T = 50— I 6
2.21 Xét diu céc biéu thirc sau:
@ f(x)=4x"-1 @f(x)zxz—x—Z\/E ® f(x)=—-x"+x+6
4T x:_Z—x x:3—1
@ f(x) ==+ 726 ® 1= RRAC v e

62 GV. Tran QuocNghia




TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

Dang 2. Gidi bdt phutng trinh tich

an an an

DA

A. PHUONG PHAP GIAI

Dé gidi bat phwong trinh dang: P(x)>0; P(x)>0; P(x)<0; P(x)<0
Trong dé P(x)=(ax+b)(a,x+b,)...(a,x+b,).
Buwoc 1: Tim cdc nghiém cua cdc nhi thuec ax+b,, a,x+b,, ..., a x+b,

Buéc 2: Sdp xép cdc nghiém tim dwoc theo thir tir ting dan, xét dau.
Buwéc 3: Dua vao bang xét dau suy ra nghiém ciia bat phirong trinh.

B. BAI TAP MAU

VD213 Giai cdc bat phuong trinh sau: @ (x+1)(x-1)(3x-6)>0 @ (2x-7)(4-5x)>0

VD214 Giai cdc bat phuong trinh: @ x* +4x> +x-6<0 @ —2x*+7x*-2x-3>0
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C. BAI TAP CO' BAN VA NANG CAO

2.22 Giai c4c bat phuong trinh sau:
@® x*—x-20>2(x—11) @ 3x(2x+7)(9-3x)=0 ® (x+1)(x-1)(3x-6)>0
@ (2x-7)(4-5x) 20 ® 3x(2x+7)(9-3x)20 ® (—V2x+2)(x+1)(2x-3)>0

2.23 Giai c4c bat phuong trinh sau:

@ X +8x2+17x+10<0 @ X +6x*+11x+6>0 @ 2x*=5x*=2x+2<0
@ (¥ -2x-3) 2(3x-3)]  ®2r'-3-5x+6>0 ® x*+2x" —5x-6<0
@ 3x° +8x* +3x=2<0 ® x*—3x*=10x+24>0 @ X +4x*-17x-60>0

2.24 Giai va biét luan cic bat phuong trinh sau:
@ mx+4>2x+m*> @ 2mx+1>x+4m> 3 x(m2—1)<m4—1 @ 2(m+1)x£(m+1)2(x—1)

Dang 3. Gidi bal phutng cé-an ¢ mau

an an an

DA

A. PHUONG PHAP GIAI

b(x) >0; b(x) =0, b(x) <0;
o(x) 0o(x) o(x) 2
Trong @6 P(x), Q(x) la tich ciia nhitng nhi thitc bdc nhdt..
Buéc 1: Tim cdc nghiém cia P(x)=0, Q(x)=0.
Buéc 2: Scp xép cdc nghiém tim duwoc theo thir tir tang dan, xét dau.
Chii y ding ki hiéu || (khéng xdc dinh) tai nhiig vi tri Q(x)=0.

DPé gidi bat phwong trinh dang:

Buéc 3: Dia vao bang xét dau suy ra nghiém ciia bat phwong trinh.

B. BAI TAP MAU

VD215 Giai cdc bat phuong trinh sau:

(2x-5)(x+2) 1 1 1,2 3 1,2 3
>0 @ —<—F5 -+ < @ —+ <
v 3—4x ®x+1 (x-1)° X x+4 x+3 X x+4 x+3
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C. BAI TAP CO' BAN VA NANG CAO
2.25 Giai c4c bat phuong trinh sau:

2 _3x+1 3 5 (3-x)(x-2) 3-2x
x* =1 1-x 2x+1 x+1 (3x—1)(x—4)
—3x+1 x+2  x=-2 X 1 4x+3
<=2 ® < @ > <6
2x+1 3x+1 2x-1 x=5 2 2x-5
2
2x 5<3x+2 4 < 3 2x +x21_x 2 < 5
3x+2 2x-5 3x+1 2—x 1-2x x—1 2x-1
® xtl>— @L< 2 ® 20 ®2"1so
x+1 x—1 x—x x+6 x—3
2 x-=2 1 2 x+2) (x+6 x=1) (x+2)'
x+ S X N >3 ( )3( )220 ( )( 5)_
3x+1 2x-1 x+1 x+2 x+43 (x=7) (x-2) X (x=7)
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Dang 4. Ddu nhi thitc trén mét mién

an an an

DA A

A. PHUONG PHAP GIAI

V6i f(x)=ax+b, ta luu ¥ cdc két qua sau:
@f(x)ZO,VxeR(:}{ZZO @f(x)SO,VxeR(:){ZSO
az0 a<0
20,Vxza < <OVxza e
@ f(x)=0,Vx {f(a')ZO @ 1(x)20,vx {f(a)so
a<0 az0
20, Vx<a e SOLVx<a e
® f(x)20,vx {f(a')ZO ® 7(x)<0,vx {f(a)so
f(8)=0 f(B)=0
@ f(x)20,Vx<(a;: B) = x)<0,Vx<(a; p)
F0ves(@p) et 0 Fsoves(@p et
B. BAI TAP MAU
VD216 Cho bit phuong trinh: (m+1)x—m+2>0. Tim m dé:
(D Nghiém ding véi moi x. (2) Nghiém diing véi moi x> 2
(3 Nghiém ding véi moi x<1 (@ Nghiém ding Vxe [1;3]
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Dang 5. Gidi PT, BPT chit ddu gid tri tuyeét dsi

an an an

DA

A. PHUONG PHAP GIAI

e Twong tw nhur gidgi phwong trinh chita an trong dd’u‘ gid tri tuyét doi, ta thuong sir dung
dinh nghia hodc tinh chat cua dau gid tri tuyét doi dé khwr dau gid tri tuyét doi.

o DangD: |A|[<B &-B<A<B
B>0
B<0
e Dang 2: |A|>B & . hogc {[A<-B
A: conghia A>B
>

Dang 3: a‘f (x)‘+b‘g (x)‘ > h(x): ding PP chia khodng.
A<-B
A>B

= Luu y: Véi B>0, taluon cé: |A|[<B < —-B<A<B ; |Al>B «:{

B. BAI TAP MAU

VD217 Giai céc bat phuong trinh sau:
2
@ |-2x+1+x-3<5 @ 2x-3-Bx+l<x+5 ® ‘—4
x_

<1 @
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C. BAI TAP CO' BAN VA NANG CAO

2.26 Giai céc phuong trinh, bat phuong trinh sau:

@ [x+1]+|x—1]=4 @ [x—2|+[2 - >3x-2 @ x-5[<x+1
B [2x—1] 1 2-xl5 ,

Ofpr-dzx+1 G)(x-2) 2 ©?

-5 | | 10 2 x—2]
@ |—=|<|— 2x—1 3-x @ _12=2 >3

x+2] |x-1 X —5x+6

<1

e <+ @ [3x-3]<2 @ |(V2-3)x+1|< 342

x_ —_—
® |x-12>2x-3 @ |x+1<|x]-x+2

BAI TAP TRAC NGHIEM CHU BE 4

an an an

DA
TN2.28 Cho f(x)=2x+1.Khing dinh nio sau diy 1 khing dinh sai ?
A. f(x)>0,Vx>2. B.f(x)>O,Vx>—%.
C. f(x)>0,9x>0. D.f(x)>O,Vx<%
TN229 Cho f(x)=(m’+1)x—1. Khang dinh nao sau day 1a khang dinh sai ?
A. f(x)>0 voimoi x thudc (0;+00).
1
B. f(x)>0 v&imoi x thudc ( > ;+00j.
m +1
C.Khi m=0 thi f(x)>0 véi moi x thudc (I;+).
D. Tap nghiém ctia bit phuong trinh £ (x)>0 dugc chira trong (0;+c0) véi Vim .
TN2.30 Cho f(x)=3-5x va m la mot s6 bat ki khc 0. Hiy chon ra s6 4m trong céc sd sau
A. £(0). B. f(-1).
3 2 3 2)
C. fl——m|. D. f|—+m |.
i5-) (3
TN2.31 Cho f(x)=(2x+1)(x—3). Khing dinh nao sau diy 1 khing dinh sai ?
1
A. f(x)>0 voimoi xe (—oo;—%j : B. f(x)<0 v6imoi xe (—oo;—aj :
C. f(x)<0 véimoi xe (—%; 3) : D. f(x)>0 véi moi xe (3;+c) .
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TN2.32 Cho f(x)=(3x+4)(2-3x). Khang dinh nao sau dy la khang dinh sai ?

A. f(x)>0 voimoi x thudc (—oo;—gj. B. f(x)>0 v&imoi x thudc (—%,%j
o 4 . 2
C. f(x)<0 voimoi xe (—“;—gj- D. f(x)>0 véimoi xe (§;+ooj.
+1)(2- . ,
TN2.33 Cho f(x):% . Khing dinh ndo sau ddy Ia khing dinh ding ?
x—

A. f(x,)=0 Khi va chikhi x, =—1 ,x, =—2 hodc x, =—
B. f(x)>0 v6imoi x thudc (—1;2).

7

C. Trén mdi khoang (—o0;—1), (-1;2), (2;%) , (2;+ooj, f(x)khong d6i dau va f(x) doi

£ . X g . 7
dau khiqua moi gid tri x=—-1 ,x=-2 va XZE'

D. f(x)>0,Vxe (—I;Z)U(%&ooj, F(x)<0,Vxe (-oo;-1)(z;%j.

TN2.34 Cho f(x)=I3x+21-I1-4x|. Khing dinh nio sau diy 1 khing dinh sai ?

A.Trén [_m;_zj thi f(x)=(-3x—2)(1—4x) .
-5
-5

D. Tren(4 jthlf( )=3-x .

B. Trén jthl F(x)=(3x+2)—(4x-1).

-lkl»—*

C. Trén

-lkl»—*

jthlf (x)=7x+1 .

TN2.35 Tap nghi¢m cua bt phuong trinh (1-2x)(2x-5)(x+1)<0

A s=(-13] B. 5= -1:3)
2 2

C.S= (—1;lju(§;+ooj D. (—1;+c0)
2 2
TN2.36 Tap nghiém ctia bit phuong trinh x(x2 +3x+ 2) >0 Ia
A. S =(—o0;-2] B. § =[-2;-1]
C. (—o0;=2)U[2;+00) D. S =[-2—1]U[0;+c0)

TN2.37 Tap nghiém cta bat phuong trinh x(x2 +3x+ 2) >0 Ia
A. S=[0:1] B. S =(—o0;1]U(2;+00)
C. S=[0;1]u[2;+e) D. S =(—o0;1]U[2;+00)
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o o Bx=11(x+2)"
TN2.38 Tap nghiém cua bat phuong trinh 5 >01la
x—
A. S =[—2;ﬂu(5;+oo) B. S = (5;+o0)
1 1
C. S :[—m’g}u(5’+oo) D. {—Z,E}U(S,‘FW)

TN2.39 Tap nghiém cuia bat phuong trinh | x—31+2x+1<0 Ia

A. § =(—o0;—4) B. S =[ —o0i> C.5=0 D. § =(—ee:3)
3

TN2.40 Cho bt phuong trinh ,/(x+4)(x—2)-1<0 (*). Xét cdc ménh dé sau:
(I) Tap nghiém cua bat phuong trinh (*) 1a tp nghiém ciia hé bat phuong trinh
(x—4)(x—-2)20
{(x+4)(x—2) <1’
(II) Tap nghiém cita (*) la § =(-1-+/10;-1+/10).
(II1) B4t phuong trinh (*) v nghiém .
(IV)T4p nghiém ciia (*) Ia (-1 —@;—4} U [2; ~1+4/10).

Trong cic ménh dé trén c6 bao nhiéu ménh dé ding ?
A. 1 B. 0 C.2 D.3
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5. BAT PHUONG TRINH

A’

HE BPT BAC NHAT HAI AN
[

1. Bl phuong trinh bdc nhat hai dn:
® ax+by+c<0; @ ax+by+c<0;, @ ax+by+c>0;, @ ax+by+c=0;
2. H¢ bdl phuvng trinh bdc nhdl hai dn: S
La hé gom hai hay nhiéu bat phwong trinh bdc nhat hai an.
x—2y<0 2x+3y—-6<0
Vidu: <x+3y>-2, x=20
y—x<3 2x-3y—-1<0

Y

Dang 1. Bdl phuong trinh béc nhat hai dn

an an an

DA

A. PHUONG PHAP GIAI

Pé xdc dinh mién nghiém cua ax+by+c <0 (twong tw cho 3 dang con lai) ta thuc hién cdc

budc sau:

Buiéc 1:Vé duong thang d:ax+by+c=0

Bueée 2:Ldy diem M (x,; y,) khong nam trén d va xdc dinh gid tri ciad,, = ax, +by, +c. Néu:

v d, <0 thi mia mdt phang (khéng ké bo d) chira diém M la mién nghiém cia
ax+by+c<0.

v d, >0 thi mia mdt phang (khong ké bo d ) chira diém M khong la mién nghiém cia
ax+by+c>0.

Buiéc 3:Gach bé mién khong 1o nghiém, mién con lai khong gach chinh la mién nghiém cia

ax+by+c>0.
Chii y: Mién nghiém ax+by+c>0 va ax+by+c<0 bao gom tdt ca nhitng diém nam trén
dwong thang d :ax+by+c=0.

B. BAI TAP MAU

VD21 Biéu dién hinh hoc tap nghiém cua céc bpt bac nht hai 4n sau:
@—x+2+2(y—2)<2(1—x) @3(x—1)+4(y—2)<5x—3
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C. BAI TAP CO' BAN VA NANG CAO

2.1 Xdc dinh mién nghiém ciia cdc bat phuong trinh bac nhat hai 4n sau:

@ 3x+y+2<0 @ 2x+y>1
® x+3+2(2y+5)<2(1-x) @ (1+43)x—(1-+3)y22
® x—2+2(y—1)>2x+4 ® 2x—2y+v2-2<0

Dang 2. Hé bt phuong trinh bdc nhdt hai dn

an an an

DA

A. PHUONG PHAP GIAI

Pé xdc dinh mién nghiém cua hé bat phwong trinh bdc nhdt hai an ta lan lwot tim mién
nghiém cua tung bat phuong trinh.
Dua vao doé thi suy ra mién nghiém ciia hé la mién khéng bi gach bé.

B. BAI TAP MAU

VD22 Biéu dién hinh hoc tap nghiém ciia cic hé bat phuong trinh bac nhét hai an sau:

x—2y<0 2x+3y—-6<0
@ x+3y>—2 @ x>0
y—x<3 2x-3y—-1<0
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C. BAI TAP CO' BAN VA NANG CAO

2.2 Xdc dinh mién nghiém ciia cdc hé bat phuong trinh bac nhat hai 4n sau day:

2x-1<0 3—-y<0 x=2y<0
—3x+5<0 2x=3y+1>0 x+3y>-2
—2y—6>
3%=2y 63_0 x—y>0 x—=3y<0
@ 2(x—1)+?yé4 ® lx-3y<-3 ® {x+2y>-3
>0 x+y>5 y+x<2

Dang 3. Mét vi du dp dung vio kinh t&

an an an

XA

A. PHUONG PHAP GIAI

Vin dé tim mién nghiém ciia hé bat phwong trinh bdc nhdt ¢ lién quan chat ché dén nganh
todn hoc c¢é nhiéu vmg dung trong doi song - Nganh Quy hoach tuyén tinh. Duéi ddy la mot
phwong phdp gidi mét bai todn "Tim gid tri lén nhat, nhé nhit ciia biéu thirc bic nhdt 2 4n"
Bai todn: Tim gid tri [on nhdt, nhé nhdt ciia biéu thirc F = ax+by. Véi (x;y) nghiém diing mét

hé bat phwong trinh bdc nhdt 2 én cho trude.
Gidi: = Xdc dinh mién nghiém S ciia hé bdt phuong trinh da cho Ta thuong duwoc S la mot da
gidc.
» Tinh gid tri cua F ung voi (x, y) la toa do cdc dinh cua da gidc.
" Két luan: + Gid tri lon nhat ciia F la s6 1én nhat trong cdc gid tri tim duoc.

+ Gid tri nho nhat cua F la so nho nhat trong cdc gid tri tim duoc.
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B. BAI TAP MAU

x—y+1<0
. N , L. . e Sz 2x—y+42>0
VD23 Tim GTLN va NN ctia F =3x+9y, v6i (x; y) la nghiém cua hé bat phuong
x+y+120
2x+y—4<0
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TAI LIEU HOC TAP TOAN 10

2.3

24

2.5

2.6

2.7

2.8

C. BAI TAP CO' BAN VA NANG CAO

2x—y=22
Goi (S) 12 tap hop cdc diém trong mit phang toa do théa hé: < x—2y <2
x+y<5
a) Hay xdc dinh (S) dé thdy () 1a mot tam gidc.
b) Trong () hiy tim diém (x; y) lam cho biéu thitc f(x, y)=y—x c6 gid tri nho nht.
C6 ba nhém may A, B, C dung dé san xuét ra hai loai san phém I va II. Bé san xuit mot don vi san

pham moi loai phai lan Iugt dung cac mdy thudc cdc nhom khdc nhau. SO may trong mot nhém va
sO mdy cua tirng nhém can thiét dé san xuat ra mot don vi san pham thudc modi loai dugc cho trong

bang sau:
L x. Sb may trong timg nhém dé san xudt ra mot
, S0 mdy trong moi ., 2
Nhém ) don vi san pham
nhom : :
Loail Loai Il
A 10 2 2
B 4 0 2
C 12 2 4

Mbt don vi san pham I 13i 3 nghin dong, mot don vi san pham II Idi 5 nghin dong. Hay lap phuong
4n dé viéc san xuét hai loai san pham trén c6 13i cao nhat.

Mot xudng c6 mdy cit va mdy tién ding dé san xuét truc sat va dinh 6c. San xuat 1 tin tryc st thi
lan lugt mdy cit chay trong 3 gid va mdy tién chay trong 1 gid, tién Idi 1a 2 triéu. San xuat 1 tan
dinh 4c thi lan luot mdy cat va mdy tién chay trong 1 gio, tién 13i 1a 1 triéu. Mot may khong thé san
xudt ca 2 loai. May cit lam khong qua 6gido/ngay, mdy tién lam khong quéd 4gio/ngay. Mot ngay
Xudng nén san xuat bao nhiéu tAn mdi loai dé tién 1ai cao nhat.

Trong 1 cudc thi pha ché, mdi doi duoc dung tbi da 24g huong lidu, 9 lit nudc va 210g dudng dé
pha nudc cam va nudc tdo. Pha 1 lit nudc cam can 30g duong, 1 lit nude va 1g huong lidu; pha 1 lit
nude tdo can 10g dudng, 1 lit nude va 4g huong lidu. Mdi lit nuée cam duge 60 diém, mdi lit nudc
tdo dugc 80 diém. Can pha ché bao nhiéu lit nudc trdi cAy mdi loai dé dat diém cao nhit.

Mot phan xudng c6 hai may dic ching M;, M> san xudt hai loai san phidm ki hiéu 1 T va II. Mot tan
san phém loai I 1ai 2 tri€u déng, mot tan san phém loai II 1ai 1,6 tri€u déng. Mudn san xuét mot tn
san pham loai I phai diing may M; trong 3 gid va mdy M trong 1 gid. Mudn san xuit mot tan san
pham loai IT phai diing may M; trong 1 gio va mdy M> trong 1 gio. Mot may khong thé ding dé san
xuét dong thoi hai loai san pham. Mdy M; lam viéc khong qua 6 gio trong mot ngay, mdy M> chi
lam viéc khong qué 4 gio. Hay dat ké hoach san xuét sao cho téng s tién 1di cao nhét.

Mot ngudi ¢ thé tiép nhan mdi ngay khong qua 600 don vi vitamin A va khoéng qud 500 don vi

vitamin B. M6t ngay mdi ngudi can 400 dén 1000 don vi vitamin ca A 1an B. Do tic dong phdi hop
N . . . xX. N X .. . - ~ . 1 X .. .

cua hai loai vitamin, moi ngay so6 don vi vitamin B phai khong it hon 5 s0 don vi vitamin A nhung

khong nhiéu hon ba 1an s6 don vi vitamin A. Hay x4c dinh s6 don vi vitamin A, B phai ding mdi

ngdy sao cho gid thanh ré nhit, biét rang gid mdi don vi vitamin A 1a 9 dong va vitamin B 1a 12
dong.
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BAI TAP TRAC NGHIEM CHU BE 5

SO0
TN2.41 Cho bét phuong trinh 2x+4y <5 ¢6 tap nghiém 1a S . Khang dinh nao sau ddy la khing dinh dting ?
A. (L)eS. B. (L10)e S. C. (L-1)eS. D. (L5)e S.

TN2.42 Cho bat phuong trinh x—2y+5>0 c6 tap nghiém 1a S . Khing dinh nao sau ddy Ia khang dinh

ding ?
A. (22)eS. B. (1;3)e S. C.(-22)eS. D. (-2;4)e S.
TN2.43 Cho bat phuong trinh —2x+x/§y+x/§ <0 c6 tap nghiém 13 S . Khing dinh nao sau ddy la
khing dinh diing ?
2
A. (L)es B. (%;Oje S C.(L-2)e s D. (L0)e S
A 1K N x+y>0 A A 1s 2 . N A 1s 1.2
TN2.44 Cho h¢ bat phuong trinh c6 tap nghiém 1a S . Khing dinh nao sau day la khang
2x+5y<0
dinh ding ?
1 12
A. (L)es B. (-L-1)e S C.|L,—|eS D.|—;=1|eS
2 2’5
, x>0 , )
TN2.45 Cho hé bat phuong trinh c6 tap nghiém la §. Khang dinh nao sau day la
X+ x/g y+1<0
khing dinh diing ?
A. (1;-1)es. B. (1—V3)es. C.(-1v5)es. D. (—4:\3)e s
, x>0 , )
TN2.46 Cho h¢ bat phuong trinh c6 tap nghiém la S . Khang dinh nao sau day la
x4+ \/g y+1>0
khing dinh diing ?
A. (-1;2)e S . B. (vV2:0)e s C. (1—3)es. D. (V3:0)e S.
x—y>3
TN2.47 Cho hé bat phuong trinh ] 0 c6 tap nghiém S . Khing dinh nao sau ddy l1a khing
——x+y>
2
dinh ding ?
A. (,-2)e S. B. (21)e S. C. (5;-6)e S. D.S=0.
2)(—é >1
TN2.48 Cho hé bat phuong trinh 27 =" ¢6 tap nghiém S . Khing dinh ndo sau dy Ia khing
4x-3y<2
dinh ding ?
1
A. (—Z;—ljeS. B. S ={(x;y)l4x-3=2}.
C. Biéu dién hinh hoc cia S 12 nira mit phang chira gbc toa do va ké ca by d, véi d I 1a
dudng thang 4x—-3y=2.
D. Bicu dién hinh hoc ctia S 12 nira mat phang khong chira gbc toa do va ké ca by d , v6i d 1a
la duong thang 4x—-3y=2.
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2x+3y<5 (1)
TN2.53 Cho h¢ 3 . Goi S, 1a tap nghiém cua bat phuong trinh (1), S, la tap nghiém cua
X+ E y< 5 (2)
bat phuong trinh (2) va S 1a tap nghiém ciia hé thi
A. S CS,. B.S,cS,. C.S5,cS. D. S #S.
TN2.54 Phan khong gach chéo & hinh sau dy Ia biéu didn mién nghiém ciia hé bt phuong trinh nao

trong bdn h¢ A, B, C, D ?
y

%f””

y>0 B y>0 x>0 D x>0
T 3x+2y<6’ " 13x+2y<—6" T 3x+2y<6’ T 3x+2y>-6

TN2.55 Mién tam gidc ABC ké ca ba canh sau ddy 1a mién nghiém cta hé bét phuong trinh nio trong
bonbé A, B,C,D?
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TN2.56

TN2.57

y=0 x20 x20 x>0
A. {5x—-4y2>10. B. {4x-5y<10. C.<5x-4y<10. D. {5x—-4y<10.
Sx+4y<10 Sx+4y<10 4x+5y<10 4x+5y<10

xX—y<2
3x+5y<15
x20

y=0

Cho hé bat phuong trinh . Khing dinh n2o sau day 12 khang dinh sai ?

A. Trén mit phing toa dd Oxy, biéu dién mién nghiém ctia hé bat phwong trinh da cho 1a mién
: 2
tr gidc ABCO ké ca céc canh v6i A(0;3), B(g;%j, C(2;0) va 0(0;0).

B. Duong thing A:x+y=m c6 giao diém véi tir gidc ABCO ké cakhi —1<m< 7
4

C. Gid trj 16n nhit ctia biéu thirc x+ y , véi x va y thoa man hé bat phuong trinh da cho Ia % .

D. Gid tri nho nhit ctia biéu thirc x+ y , véi x va y thda man hé bat phuong trinh da cho 13 0.

Biéu thitc L=y—x, v6i x vd y thda min hé bat phuwong trinh & bai tap 13, dat gid tri 16n nhat

12 a va dat gid tri nho nhit 12 b . Hiy chon két qua diing trong céc két qua sau:

A.a=% vab=-2. B.a=3vab=-2. C.a=3vab=0. D.a=3véb=§.
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6. DAV CUA TAM THU'C BAC HAI
BAT PHUGNG TRINH BAC HAI

Dinh Ui vé ddu tam thic bdc hai:
f(x)=ax’+bx+c (a#0)

A<O | a.f(x)>0,Vxe R f(x) cing ddu véi a

A=0 | a.f(x)>0,Vxe R\{—zi} f(x) cing ddu véi a
a
a.f(x)<0,Vxe (x; x,) Trong trdi

a.f (x)>0,Vxe (—o0; x)U( x,3+) | Ngodi ciing

Dang 1. ‘Xét ddu biéu thitc

an an an

DA

A. PHUONG PHAP GIAI

1. Ddu cia tam thitc bic hai: A=b>—4ac | A =b"—ac
D THI: A<0: f(x) vo nghiém
X ‘ —00 “+co
f (%) ‘ cing ddu véi a
®@TH2: A=0: f(x) cd nghiémkép x, =x, = _Z_ba
X —i +
B 2a
cung dau voi cung dau voi
f (%) 0
a a
®TH3: A>0: f(x) cd 2 nghiém x,, x,(x, < x,):
X ‘ —00 X Xy +oo
f (X) ‘ cung 0 trdi 0 cung
“Trony trai, ngoarl cung”

B. BAI TAP MAU
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VD24 Xét diu céc biéu thirc sau:

@ f(x)=—x+3x=5@ f(x)=3x"+2x+5 @ f(x)=9x>—24x+16 @)f(x):—zxzz_):1
2
A _(3x2—x)(3—x2)
® f(x)=(3x"-10x+3)(4x-5) ® f(x)= prC—
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TAI LIEU HOC TAP TOAN 10

2.9 Xét dau cic bidu thirc sau:

C. BAI TAP CO' BAN

@ f(x)=5x"-3x+1 =-2x>+3x+5 f(x)=x"+12x+36
@ f(x)=(2x-3)(x+5) =3x" —2x+1 f(x)==x*+4x-1
@f(x)=x2—x/§x+% +x45 f(x)=2x"+5x+2
f(x)=4x=3x-1 @ f(x)=-3x"+5x+1 x)=(1-2)x* = 2x+1+2

D. BAI TAP NANG CAO

2.10 Xét dau cdc bidu thirc sau:

@ f(x)=(3x"-10x+3)(4x-5)

@ f(x)

(3)(2 —4X)(2X2 —x—l)

@ f(x)=(4x"—1)(-8x" +x-3) @ f(x)=(3x" —4x)(2%" —x-1)
® ()= © /() o

© 1=t Ol

@ f(ﬂ=% f(x):x4f4;§i;j—5

® f(x)=—12’;:1’;2 @ f(x)= —x(;lf’;;i‘}

Dang 2. Gidi bdt phutng trinh bdc hai

an an an

DA

A. PHUONG PHAP GIAI

e Budc 1. Cho f(x)=0 tim nghiém x,, x, (néu cd)
e Budc 2. Lip bang xét diu f(x) dwa vao dau ciia tam thitc bdc hai (chii ¥ sap xép cdc

nghiém theo thir tu).
e Budc 3. Tir bang xét dau, suy ra tdp nghiém ciia bat phwong trinh.

B. BAI TAP MAU

VD25Giai céc bat phuong trinh sau:

@ 3 +2x+5>0 @ 2x*+3x+5>0 ® 3x*+7x-4<0

@ 9x* -24x+162=0 ® x*-4x+320 ® —2x*+5x-320

@ —x*+6x-9>0 ® 16x* +40x+25>0 ®@ 2xX* +4x+3<0
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C. BAI TAP CO' BAN

2.11 Giai céc bat phuong trinh sau:

@ 4x* —x+1<0 @ -3x*+x+4>0 ® x*-x-6<0

@ x*—2x+3>0 ® -5x*+4x+12<0 ® 16x* +40x+25<0
@ 3x*—4x+4>0 ® x*—x-6<0 ® x*+9>6x

@ 6x*—x—2>0 ®§x2—3x+6<0 @ 2x*-7x-15>0
® 2(x+2)° -3,522x @ x(x+5)<2(x”+2)
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Dang 3. Gidi bdl phung trinh tich, thuong

an an an

DA

A. PHUONG PHAP GIAI

~

(x
g(x)

~—

Gidi bdt phuvng trinh dang: f (x).g(x) >0 hodc >0

® Budc 1. Tim diéu kién xdc dinh D, néu co.

® Budc2. Cho f(x)=0; g(x)=0 rim nghiém x,(i=1. .n)

e Budc 3. Lip bang xét dau ciia f(x), g(x) suy ra diu cia f(x).g(x) va

e Budc 4. Tir bang xét dau, suy ra tdp nghiém S, .

Vay tdp nghiém cia bdt phuong trinh la S = D nNS,.

B. BAI TAP MAU

VD26 Giai céc bat phuong trinh sau:

(2—x2)(x2—2x+1)
1-2x)(x*+x-30)<0 >0
@ ( x)(x x ) ® —x* +3x+4
2 2
2x +3x—220 2x —16x+27Sz
x> =5x+6 X =7x+10
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C. BAI TAP CO BAN VA NANG CAO

2.12 Giai c4c bat phuong trinh sau:

@ x*-3x’ <0 @ (2x+1)(x” +x-30)20
@ 3x* -’ +4x* —x+320 @ (1-2x)(x* +x-30) <0
® x*-5x*+4<0 ® x*-2x*-63<0
@ x*-3x*+2>0 ® x°+19x° -216>0
2.13 Giai c4c bat phuong trinh sau:
xt=x? <0 x2—9x+14>0 x—2 S
X +5x+6 x> =5x+4 x> =9x+20
2 _ 2 _ >
4); +3x 1>0 5)2 +3x 8<O ©x-2|-4x+4<0
X +5x+7 x =7x+6 2x —x-1
4 2 2 2
X +x +1£0 X —7x+12>0 x =T7x+12
x*—4x-5 2x* +4x+5 2x* +4x+5

2.14 Giai c4c bat phuong trinh sau:

1 3 2x*+7x+7 1 1
O) < @@ ————<-1 <
x—4 3x*+x-4 x*=3x-10 X =5x+4 x*-7x+10
2_ 2_ _
@2)(2 10)c+1421 ©x2 5x+62x+1 : 2 B 1 22§c 1
x =3x+2 X +5x+6 X x—x+1 x+1 x +1
2 1 1 2x-5 1 1 1 1
@ =-+—————<0 < ® +—>—
x x—1 x+1 X —-6x-7 x-3 x—2 x-1 x
1 N 2 < 3 @ 1 _lg 2 @x—l_x+1<2
x+1 x+3 x+2 x—=2 x x+2 X x—1
14x 9x-30 2(x—4) 1
®—«< >
x+1 x—4 (x—l)(x—7) x=2
2.15 Giai c4c bat phuong trinh sau:
@ (& +x+1) (X +x+3)215 @ (x* +3x+1)(x* +3x-3) 25
@ (¥’ —x-1)(x*—x-7)<-5 @ 28 + 20—~ +1<0
x +x+1

x+3 1 2x
<

2.16 Tim céc gid tri nguyén khong am cua x thda man bat phuong trinh: ———— >
x =4 x+2 2x—x

2.17 Tim tap x4c dinh cia cdc ham s sau:

X +5x+4

=.J(2x+5)(1-2 =, |—

@y \/( x+5)(1-2x) @y V22 +3x+1
3—-3x x> =5x+4

- 27 g N

® v \/—x2—2x+15 ® Y=\ 54
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Dang 4. Gidi hé bat phuong bdc hai

an an an

DA

A. PHUONG PHAP GIAI

f(x)=ax*+bx+c>0 (1)

Gidi hé bpt bac hai mét dn:
g(x)=ax*+bx+c>0(2)

e Budc 1. Giai (1), (2) duoc tdp nghiém twong ung S,, S, .

® Buwoc 2. Tdp nghiém cua héla S =§,NS, .

B. BAI TAP MAU

Sy . 3x*=7x+2>0 2x+1>5
VD27 Giai cac hé bat phuong trinh sau: @

22X +x+3>0 2x*—9x+7<0
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CHUONG 4: BAT BANG THOC. BAT PHUONG TRINH

2.18 Giai céc hé bat phuong trinh sau:

C. BAI TAP CO' BAN VA NANG CAO

2x2+9x+7>0 4x* -5x—6<0 ® 2x2=5x+4<0
X +x-6<0 —4x* +12x-5<0 —x*=3x+10>0
2x +x—-6>0 ® x> =2x-3>0 ® x220,25
3x2=10x+3>0 x2=11x+28>0 X =x<0
1
3x?—4x+1>0 x —8x+7<0 xX==>0
@{ , 3 { ® 4
3X —5X+2_0 X _8x+20>0 _2x2+5x_5>0
(x=1)(2x+3)>0 o o |23+ )(-2)
(x—4)(x+ij30 x'-x<6
2.19 Giai céc hé bat phuong trinh sau:
xX’=9<0 x*=4>0 X +3x+2<0
® ® ®
(x=1)(3x*+7x+4)>0 Lttt =~ >0
x+1 x+2 x x+1
) 2
x*—4x-5<0 (2x+1)(4—x)<0 (ﬂ} >4
@ x'—6x+8>0 ®! X+42x-3 ® x=2
2
2x-320 (x> =16x+21)> <36 =50
x—1
X —12x—64<0 (4 =3x+8)" —(5x° +4x)° §
@ {x*—8x+15>0 2x +x-3 -
~0,75<x<6,5 (x* —8x) <(x+10)°
2
2.20 Tim gid trj cia a sao cho Vx ta ludn c6: 1<~ T22¥9 7
2x°=3x+2
Dang 5. Phubng trinh & Bt phuong trinh chith ddu gid tri tuyét doi
SO0

A. PHUONG PHAP GIAI

e Dé gidai phuong trinh, bat phwong trinh chiva an trong ddu tri tuyét doi, ta thuong su dung
dinh nghia hodc tinh chdt cua gid tri tuyét doi dé khir ddu gid tri tuyét doi.

e Xem lgi cdch gidi phuwong trinh tri tuyét doi (Chuwong 3)

e (Cdc dang thuong gap sau:

Dang ®: |A|>B < A<-B hodc A>B

Dang @: |A|<B & -B<A<B

Dang ®: |A|>|B| < (A-B)(A+B)>0

Dang @®: a|A| +b|B| > C : dung phuong phdp chia khodng.
x Luu y:

¢ |[A=AsA20 ¢ |[A=-AsA<0
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B. BAI TAP MAU

VD2.8 Giai cdc phuong trinh, bit phuong trinh sau:
@ x> —x+[3x-2/>0 @ |x* —8x+15|=x-3

C. BAI TAP CO' BAN VA NANG CAO

2.21 Giai cac phuong trinh sau:

2
@ |’ —Sx+4{=2"+6x+5 @ |x—1|=2x-1 Y22,
x+1
@ [2x+3|=[4-34 ® |x* - 2x-3[=2x+2 ® x> —|2x-1/=0
@ |x* —2x-3=x" - 2x+5 203 =|x—1|
2.22 Giai c4c bat phuong trinh sau:
@‘—x2+x—1‘32x+5 @‘xz—x‘é‘xz—l‘ @‘x2—5x+4‘3x2+6x+5
 dx- . S
@ 4x” +4x—2x+1|25 ® 3x° —[5x+2/>0 ERETR
2.23 Giai c4c bat phuong trinh sau:
@ |[x—1|+[x+2|<3 @ 2|x-3|-]3x+1|<x+5
2.24 Tim tt ca cdc gid tri x thoa man:
@ |’ +x+1=2x-1 va x<§ @ |x*+2x -4+ 2x+6=0 va x+/18<1
® |x+3[+ x> +3x=0 @ |x* = 20x-9|=[3x" +10x+2]]
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Dang 6. Phubng trinh & Bt phuong trinh chith cdn thitc

an an an

DA A

A. PHUONG PHAP GIAI

o Pé gidgi phwong trinh, bdt phwong trinh chita dn trong dau can ta thwong ding phép ndang
lity thira hodc dat an phu dé khir can.

o Xem lgi cdch gidi phuwong trinh c6 dau can (Chieong 3)
e Cdc dang bdt phwong trinh cé chira an trong can thire thuong gap:

Dang @: \/Z>\/§ @{BZO

A>B
A>0 trinh, bdt phwong  trinh

»= Luu y: Poi véi cdc phwong

khong cé dang chudn nh Ii
Dang @: \/Z <B&18>0 thuyét, ta thuc hién:

A<B’ ¢ Bl: Dat diéu kién cho cdn
T(A>0 c6 nghia.

{ - & B2: Chuyén vé sao cho 2 vé

B<0 déu khéong a
g am.
D :NA>B & ;
ang @: A B>0 6 khik cdn.

A>PB’

B. BAI TAP MAU

VD29 Giai céc hé bat phuwong trinh sau:

DV -12x+2 @ \VxX*-3x-10<x-2 ® JVx'-2x-15<x-3
@ Jx(x+3) <6-x"-3x @(x2+x—2)\/2x2—1<0 ® Vx+3-Jx—1<x-2
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C. BAI TAP CO' BAN VA NANG CAO

2.25 Giai cac phuong trinh sau:

@ V2x* +4x—-1=x+1
@ Jx*—2x-3=2x+3

@ 9x+V/3x-2=0

® V5x*—6x—4=2(x-1)

@ \/xz——4 = 2(x —\/5)
2.26 Giai cac phuong trinh sau:

O) \/m =-2x*—4x+3

® \/m =x"+3x

® 18-24/81-7x = x°

@ 20° +6-232x" —3x+2 =3(x+1)
2.27 Giai cac phuong trinh sau:

@ (x+1)V16x+17 =(x+1)(8x-23)

2x 13x
2 T3 -
2x"—=5x+3 2x +x+3

®

2.28 Giai c4c bat phuong trinh sau:

@DV +x—6<x—1
@ JxrP-5x—14>2x-1

@ V22 +T7x+5>x+1 ® VxP—x—-12>x-1
X +4x—5<x+3

2.29 Giai c4c bat phuong trinh sau:
@D VJI-x+vV4+x<3
() V49 -2 +7>2

® V2x-1<2x-3
® Vx*+6x+8<2x+3 ®

@ Jx+2-Jx-6>2
® Jx+2-Jx—-1<+/x

@ V-2 +2x+4=x-2
® V9-5x =3—x+

6
3—x

J4x* +101x+64 =2(x+10)

@ /(x+1)(x+2) =x*+3x—4
@ 2x* —3-5V2x*+3=0
® 2x* +3x+3=5v2x* +3x+9

21

m—x2+4x—6=0
2
@ x2+(ij =
x—1
® V2x'-1>1-x

® VX' -4x-12<x-4

@®V2-x-10-x<2
® 2x+1<20x—/x-3

@ Jx+3-Jx-1</x-2
4x+2>+/5x" +61x

® 2-x+4x=3 ., @ Jx+3<1-x
X

2.30 Giai c4c bat phuong trinh sau:
@ 6/(x—2)(x—32) <x” —34x+48

@ x—4x—6>2x —8x+12
® V527 +10x+127-2x—x°
@ J(4+x)(6-x) ¥ -2x-12
® Jx(x+3) <—2*-3x+6

Jx+3-7-x>/2x-8

@ V-x*—8x—12>x+4

@ Vx+3-Jx-1</x-2
@ \5x* +61x <4x+2

® \—x*+6x—5>8-2x

@ (x+4)(x+1)=-3Vx*+5x+2 <6
@ 2x(x—1)+1>\/x2—x+1
® (x+1)(x+4)<5Vx* +5x+28

4 J(4=x)(x+2) <x* —2x-12

J(x+D)(x+2) <x* +3x—4
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2.31 Giai c4c bat phuong trinh sau:

/ 4x fx—l 3

—_— _>_

® x—1 4x 2
6x—1 2x

<

X 6x—1

®2 +1

2.32 Giai c4c bat phuong trinh sau:

@ Vr+1+B3—x+J(x-1)(3-x) <2

3x—1 > X

X 3x—1

> < 2x+i+4

2\/; 2x

+1

@2

@5\/;+

® )c()c+4)\/—)c2+4)c+()c—2)2 <2

@ VTIx+T+Tx—6+2449x% + Tx—42 <181—14x

2.33 Giai c4c bat phuong trinh sau (nhan lugng lién hop):

® Va8 (Vxr3-x)>3

® (\/3x+6+\/3x—3)(\/3x+1—\/3x—2)s3

® 4(x+1) <(2x+10)(1-B+2x)
2.34 Giai c4c bat phuong trinh sau:
) Vi —dx+3 -2 —3x+12x-1

@ VX +x—2+4Vx7 +2x -3 </x* +4x-5

2.35 Giai céc bat phuong trinh sau:

@ (x-2)Vx*+4<x* -4
® (x—3)\/x2—4 <x*-9

9x* —4

@ 2
5x -1

<3x+2

2.36 Giai cic bat phuong trinh sau:
@ L >1
Va?=3x-10

Vx+5

1—x

® <1

2.37 Giai céc bat phuong trinh sau:

O) (x—l)\/xz—x—Z >0

2.38 Tim tap x4c dinh cia cdc ham s sau:

©) y=\/‘x2+3x—4‘—x+8

1 1
® y_\/x2 —Tx+5 x*+2x+5

@ Vx-1(vx-3-V8-x)22x-11

2
@ >4(3:-2)

(Vax+1-1)

@ V¥ —3x+2+/x2 —4x+3 22> —5x+4

@ \/x2+3x+2+\/x2+6x+5 S\/2x2+9x+7

@ (2x+1)Vx+1<dx’ -1
@ (x—3)\/x2+4 <x*-9
®

V- +x+6 S V- +x+6
2x+5 x—4

JI2+x—x2 >J12+x—x2

® x—11 - 2x-9

® (x2—3x)\/2x2—3x—2 >0

x4+ x+1
2x-1]-x-2

@y =\/\/x2 —5x—14—-x+3

@y=
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Dang 7. Bdi todn chuta tham s¢ trong phubng trinh & bt phurng trinh

an an an

DA A

A. PHUONG PHAP GIAI

1. Tam thitc bdc hai khéng déi ddu trén R :
Tir dinh li vé déu ciia tam thire bic hai, ta suy ra két qud sau:
Cho f(x)=ax’+bx+c (a#0)

a>0

A4<0

a>0

@f(x)>0,VxeR(:){ <0

® f(x)ZO,VxeR(:){

<0
® f(x)<0,VxeR(:){aA<0

> Trong truwong hop hé s6 a cé chira tham sé ta xét 2 trieong hop:

a<0

@ f(x)SO,VxeR(:){ASO

v’ Truong hop 1: a=0, gidi tim gid tri m roi thay vao f(x) kiém tra
v Truong hop 2: a#0: Ap dung I trong 4 céng thirc trén.

Tir d6 ta cé thé suy ra diéu ki¢n vé nghiém ciia bit phwong trinh:
a<0

®Dé BPT f(x)>0 vo nghiém < f(x)<0,Vxe R@{MO

a<0

®Dé BPT f(x)=0 vo nghiém < f(x)<0,Vxe R@{A 0
<

, >0
@DéBPT f(x)<0 vé nghi¢m < f(x)>0,Vxe R@{QMO
a>0

®Dé BPT f(x)<0 vé nghiém < f(x)>0,Vxe R@{A 0
<

2. Gidi va bién ludn bat phutng trinh bdc hai: f(x) = ax? + bx + ¢ > 0
e Buocl Xét a=0 (néu hé s6 a cé tham sé)
e Budc2. Lip A, cho A=0 dé tim nghiém, néu cé nghiém thi nghiém la m, =...
e Budc 3. Lip bang xét dau a va A trén cing mot bang xét dau (bién s6 la m ).
e Budc 4. Dua vao bang xét dau, bién ludn nghiém ciia bat phuong trinh.

B. BAI TAP MAU

VD210 Tim m dé phuong trinh sau 6 hai nghiém trdi déu: 2x* —(m’ —m+1)x+2m’ —=3m-5=0
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VD211 Tim m dé céc biéu thic (m+2)x* +2(m+2)x+m+3 ludn luon duong.

Giai
e V6i m=-2, tam thuc bac hai tré thanh 1> 0: ding véi moi x.
e Véim#-2,yéu cAu bai todn @(m+2)x2+2(m+2)x+m+3>0, Vxe R

a>0 m+2>0 m+2>0
Sy, S 5 & oSm>-2.
A'<0 (m+2) —(m+2)(m+3)<0

VD212 Tim m dé biéu thirc sau ludn dwong.
O) (m+2)x2+2(m+2)x+m+3. ® (m2+2)x2—2(m+1)x+1.

@ f(x)=mx*—x-1. @ g(x)=(m—-4)x>+(2m—-8)x+m-5.

GV. Tran QuocNghia 95




TAI LIEU HOC TAP TOAN 10 CHUCNG 4: BAT BANG THGC. BAT PHUONG TRINH

VD214 Tim m dé x> +2(m+1)x—m+3>0 ddng véi moi x>0.

26
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VD216 Tim m dé ham sd sau ¢6 tap xdc dinh 1 R: y = f(x) =2x=3+,/(m—1)x* +3(m—1) x+m
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2.39

2.40

241

2.42

243

2.44

C. BAI TAP CO' BAN VA NANG CAO
Tim m dé mdi phuong trinh sau ddy c6 nghiém:

@(m—S)x2—4mx+m—2:O @(m+1)x2+2(m—1)x+2m—320
® xX*+(m-2)x—2m+3=0

Tim m dé mdi phuong trinh sau ddy v6 nghiém:

O) (3—m)x2—2(m+3)x+m+220 ® (m—2)x2+2(2m—3)x+5m—620
CMR: mdi phuong trinh sau vo nghiém dit m lay bat ki gi tri no:

® x> =2(m+1)x+2m> +m+3=0 @ (m* +1)x* +2(m+2)x+6=0

® (2m* +1)x* —~4mx+2=0 @ x> +2(m+1)x+2(m’ +m+1)=0
® x2+2(m—3)x+2m2—7m+1020 ® xz—(\/gm—l)x+m2—3m+2=0
Chirng minh rang mdi phuong trinh sau ddy ludn c6 nghiém véi moi gid tri ciia tham s6 m :
O) x2+(m+1)x+m—§20 ® x2—2(m—1)x+m—3:O

® x2+(m+1)x+%m+%20 @ (m—l)x2+(3m—2)x+3—2m20
Tim m dé mdi bat phuong trinh sau day vo nghiém:

@D X*+6x+m+7<0 ® —x2+2(m—1)x+120

® (m—2)x2+2x—420 @ mx2—4(m+1)x+m—5<0

® (m—2)x2+2(m—2)+m+4SO ® (m—4)x2+(m+1)x+2m—120
@) (m—l)x2+2(m—1)x+3m—2>0 (3m+1)x2—(3m—4)x—2m+1<0
® (m’ +2m-3)x" +2(m—-1)x+1<0 m(m+8)x* —2(m+8)x+8m+1>0

Tim m dé moi ham so sau ¢6 tap xdc dinh la R :

O] y=f(x):\/(m2+4m—5)x2—2(m—1)x+2 ® y=f(x)z\/(3m+1)x2—(3m+1)x+m+4

2_
@y:f(x): 4x+5 +_X'—2 @y:f(x):3x2+mx—7_\/23x—4x_2
\/(2—3m)x2+2mx+m—1 X +mx+m
+(m+2)x+2
®y=f(x)=\/mx (ml )x +m* =3m+2017
X—
® y=f(x)=5x2+2m—\/(m+1)x2—2(m—1)+2—2m
2.45 Tim cdc gid tri ciia m dé mdi biéu thic sau luén duong:
@ x*—4x+m-5 @ X’ —(m+2)x+8m+1
® xz+4)c+(m—2)2 @ (3m+1)x* —(3m+1)x+m+4
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2.46 Tim céc gid tri cua m dé moi biéu thuc sau ludn am:

@ (m+2)x*+5x—4 @ (m—4)x* +(m+1)x+2m—1
® mx*—12x-5 @ —x*+4(m+1)x+1-m’
2.47 Tim cic gid tri cia m dé bat phuong trinh sau nghiém ding véi moi x (c6 tap nghiém 1a R):
@ —x* +2my2x—2m* 1< 0 @ (m* —1)x* +2(m+1)x+3>0
@ (m*+3)x* +2(m+1)x+1>0 @ (m*+2)x* =2(m+1)x+1>0
® (m-1)x*+2(m—-1)x-4m<0 ® (m-4)x’—(m—6)x+m—-5<0
@ (m+1)x* —(m-1)x—1-2m <0 ® (m+1)x*=2(m-1)x-m+2>0
® (m-2)x*-2(m-3)x+m—-1<0 ®@ (m-1)x*-2(m+1)x+3(m-2)>0

2.48 Tim cic gid tri cia m dé mdi hé bat phuong trinh sau c6 nghiém:
{x2+2x—15<0 {x2—5x+6<0 @{4x+1<7x—2 {x2—3x—430

(m+1)x=3 mx +4<0 x*=2mx+1<0 (m—-1)x-220

2.49 Tim cic gid tri cia m dé mdi hé bat phuong trinh sau v nghiém:

x> +10x+16<0 x*=3x-4<0
mx2>3m+1 m lx 220
2.50 Tim cic gid tri cia m dé:
@ x*+2(m+1)x—m+320 dingVx<0 @ x*—(m+1)x+1>0 ding Vx>0

® (3—m))c2 —2(m+1)x+1>0 ding Vx <0 @ x* —2(m—2)x+m—2£0 ding Vxe [O; 1]
® x> —2mx+3m—2>0 ding Vxe (1; 2)
2.51 Tim tham s m dé bat phuong trinh: mx* —=2(m—1)x—m—-5<0
@ C6 nghiém ® C6 duy nhat mot nghiém
® C6 nghiém la mot doan trén truc $6 ¢6 @6 dai béng 2.
2.52 Tim tham s m dé bat phuong trinh: (1—m) x> +2mx+m—6>0
@® C6 nghiém
® C6 duy nhit mot nghiém
® C6 nghiém la mot doan trén truc $6 ¢6 @6 dai béng 1.
2.53 Tim cdc gid tri clia m sao cho phuong trinh: x* +(1-2m)x* +m’> —1=0
@® Vo6 nghiém ® C6 2 nghiém phan biét. ® C6 4 nghiém phén biét.
2.54 Tim céc gid tri cua a sao cho phuong trinh sau c6 ba nghi€ém phan biét:

(a—1)x*—ax*+a*-1=0
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TN2.58

TN2.59

TN2.60

TN2.61

TN2.62

BAI TAP TRAC NGHIEM CHU PE 6

an an an

DA A

Cho tam thttc bac hai f (x)= x> —x—12. Khang dinh ndo sau day la khang dinh sai ?

T o {203,
801 12110
C. f(%j>0. D. f(x)<0v6imoix thuc(—o;—3).

Cho tam thttc bac hai f (x)= x> —x—12. Khang dinh ndo sau day la khang dinh sai ?
A. f(x)>0v6imoi x20.

B. Ton tai gid tri cia x ma f(x)<0.

C. Tap nghiém cua bat phuong trinh f(x)>0 la R.

D. Phuong trinh f (x)=0, v nghiém.

Cho tam thirc bac hai f (x)= 45x—x* =20. Khing dinh nao sau ddy Ia khang dinh diing ?
A. 1(-2016)<0. B. £(2017)>0.
C.f (2\/§ < O) . D. Phuong trinh f (x)=0 c6 hai nghiém phén biét.

Xét cic khang dinh sau:

(I x—;—x—24<0 véimoi x thudoc R.

() (x+6)(8—x)>0 v&imoi x thudc (6; 8).
(I (x+6)(8—x)=0 véimoi x thudc R\(6; 8).
(IV)x* —2x—48<0 v&imoi x thuoc R.

(V) =x* +2x+48<0 véi moi x thudc R\[6; 8].

S6 khing dinh ding trong cic khang dinh trén 1a
A. 1 B. 4 C.3 D.2

Cho f(x)=ax’+bx+c véi a#0, A=b*—4ac . Khang dinh no sau diy la khing dinh sai ?
A.Néu a<0 vatontaisd x, saocho f(x,)>0 thi A>0.

B. Néu ton tai s6 x, sao cho af (x,)>0 thi phuong trinh f(x)=0 c6 hai nghi¢m phan biét.
C. Néu ton tai s6 x, sao cho af (x,)>0 thi A<0.

D. Néu véi moi s x déu c6 af (x,)> 0thi phuong trinh f(x)=0 v6 nghi¢m.

Cho biéu thirc f (mx2 —5x— 1) . Chon két qua diing trong méi bai tdp 6 va 7.

TN2.63 Tim tit ca cdc gid tri ciia tham s& m sao cho biéu thirc f (x)= (mx2 —S5x— 1) >0, xe R.
A. m>0. B. me (—%;Oj.
25 R PR
C. m< e D. Khong c6 gia tri nao cua m .
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TN2.64

TN2.65

TN2.66

TN2.67

TN2.68

TN2.69

TN2.70

TN2.71

TN2.72

TN2.73

Tim tht ca cdc gid tri ctia tham sé m sao cho biéu thic f(x)=(mx’ —5x—1)<0, xe R.

A. m<0. B. m=0.

C. m< —?. D. Khong c6 gid tri nao ctia m .

Cho biéu thitc f(x)=x"+2mx—1. Xét cdc khang dinh sau:

(I) Khodng c6 gid tri ndo cia m dé f(x)<0 v6i moi gid trj clia x .
(I1) Khong c6 gid tri ndo ciia m dé f(x)>0 v6i moi gid trj clia x .
(IT) V&i mbi gid tri caa m déu ton tai x,sa0 cho f(x)<0.

(IV)Véi moi gid tri cia m déu ton tai x,sao cho f(x)>0.

Cic khing dinh ding 1a:

A. (1) va (I). B.(I)va (V).  C.(m)va(u).  D. (i) va (IV).
Tap nghiém S cua bat phuong trinh 3x* —5x—8<0 Ia

A. S=0. B.S:(—l;gj. C.S:R\[—I;g] D. S=R.
Trong céc bat phuong trinh sau, bat phuong trinh c6 tap nghiém § = [0;5] la

A. X +5x>0. B. X’ +5x<0 C. x> +5x<0. D. —x’+5x2>0.
Trong céc bat phuong trinh sau, bat phuong trinh v nghiém 1a

A. X" =2x+m’+2<0. B. x> —2x—(m’ +2)<0.

C. X’ —2x+m’+2>0. D. X’ +2x—(m*+2)>0.

Bét phuong trinh Iudn c6 tap nghiém R véi moi gid tri ctia m 1a

A, X*=2mx+2m* —m+1<0. B. x* —2mx+2m*—m—1>0.

C. x> —2mx+2m’ -m+1>0. D. x* —2mx+2m*—m—1<0

T4p nghiém $ ctia bat phuong trinh (2x* —3x+2)(1-x*) <0 I

A. S =(—o0;1)U(1;400). B. S=(-11).

C.5=0. D. S=R.

T4p nghiém $ ctia bat phuong trinh (x—1-x")(4-x")20 Ia

A. S =(-=2)U(2;+). B.S=(-2;2). C.S=[-2;2]. D. S =R\(-2;2).

. ‘+4x+4
Tap nghiém S cua bat phuong trinh xz—x <
x —5x+4

A.5=[23]. B.S=(23)u{-2}. C.S5=(-=2)u(3+=). D.S=[2;3]u{-2}.

0 1a

Tap nghiém S cua bt phuong trinh v/2x> —x—1>1 Ia

A. S = 1_\/ﬁ;—l U I;H_\/ﬁ . B. S= 1_\/ﬁ;—l U I;H_\/ﬁ .
4 2 4 | 4 2 4
c S:F—jﬁ;u;/ﬁ} D 5— _m;1—jﬁ}u{1+jﬁ;m}
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TN2.74 Tap nghiém § cua bat phwong trinh v/2x* —x—1 <% la

A. S ={1_;/§;1+\/§}

1-J59 1 1++/59
4

o2 e

4
C.S= 1_\/5;—1 U 1;1+\/§ ) D. S= —<><>;1_\/5 U 1—i_\/§;+<><> )
4 2 4 I 4 4
TN2.75 Tap nghiém § cta bat phuong trinh | x—2x* +31<2 Ia
A. S= 1_\/ﬂ;—l U I;H_\/H . B.S=0.
4 2|77 4
C.S= —1;—l}u[1;g . D. §= 1_\/ﬁ;—l U §;1+\/ﬂ .
L 2 2 | 4 2 4
A} ”n ”? « ”
BAI TAP TONG HOPP PHAN 2
SO0
2.55 Giai céc bat phuong trinh sau:
ORI 3 P @2 33T i
NG 3
2 2
@ (1+43)x<4+23 ® (x=5) 2(x++5) -10
2.56 Giai cic bat phuong trinh sau:
Jx?—16 5
Q) +Vx=3> @ Vx’ -4 +4>x-32
Vx=3 Vx=3
@ V3x2 +5x+7 =38 +5x+2 >1
2.57 Giai cac phuong trinh sau:
@ Vx+3—dx—1 +4/x+8-6Jx—1 =1 @ Vx+V1dx—49 +x—14x—49 =14
® 2\2l-1-1/=3 @ |x+\1-2 | =2 (20 1)
2.58 Giai cac phuong trinh sau:

@ |x* - 2x-3[-2>[2x- 1]
@ Nrx=3-1|+[Vx+5-1)>2

3x+1
x=3

<3

@

m2|x+2|

2.59 Giai cdc hé bat phuong trinh sau:

@ 2fx+1|<|x—2|+3x+1
@ |x—6|>‘x2—5x+9‘
2l
@ |x+—>0
Va-x

9 >x—2

|x-5]-3 "

102
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2.60

2.61

2.62

2.63

2.64

2.65

2x*+9x+9>0 3 +11x—-4<0

5x2=7x=3<0 x2—8x—-20<0
2_

2(x-1)=3(x—4)> x+5 a8
x“+1

® 3x—4 O] )

—————>0 3x2—7x+8

X +4x+4 ——<2
x +1

Tim tat ca cdc nghiém nguyén ctia mdi hé bat phurong trinh sau:

6x+%>4x+7 15x—2>2x+§

@

BX+3 o425 2(x—4)<

3x—14
2

Giai c4c bat phuong trinh sau:

@ p-x+5]>x ® 7j4-x+9)>x-9
@ x+13+[24-676-2>0 @ \Jx(x+6)+9 /> —6x+6>1
Giai va bién luin céc bat phuong trinh sau theo tham sdm:
@ mx—1>3x+m’ @ m(m-2)x+12m—1
® 3 5 < ik @ x> +2mx+5>0
(m—7) m—"1
® mx*+4x+1<0 ® (m—3)x2—2(m+1)x—(2m—3)SO

Tim a va b dé bat phuong trinh sau ¢4 tap nghiém la [0;2]:

(x—2a+b-1)(x+a—-2b+1)<0

Tim a va b (b>-1) dé hai bat phuwong trinh sau tvong duong:
(x—a+b)(x+2a-b)<0 va |x+a—2|<b+1

Giai céc bat phuong trinh, hé bt phuong trinh sau (an m ):

@ 2m*-m-5>0 @ -m*+m+9>0
® (2m-1)" —4(m+1)(m-2)=0 @ m*>—(2m—-1)(m+1)<0
(2m—1)2—4(m2—m)20 (m—2)2—(m+3)(m—1)20
® 21 >0 ® m_2<()
m —m m+3
2'2"_1 >0 m=loo
m —m m+3
® 2m—1>0 m’—m—-2<0
m* —(m—-2)(2m—1) <0 (2m—1)" -4(m* - m-2)<0
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2.66 Tim cdc gié trj ciia tham s6 m dé cdc tam thic bac hai sau ¢6 ddu khong d6i (ddu khong phu thude
vao x):
@ f(x)=2x"-(m+2)x+m’—m—1 @ f(x) =(m2 —m—l)x2 —(2m-1)x+1
2.67 Tim cic gid tri ciia tham s6 m dé mdi phwong trinh sau ddy c6 nghiém:
O) 2)c2+2(m+2)x+3+4m+m2 =0 ® (m—l)x2 -2(m+3)x-m+2=0
2.68 Tim cdc gid tri ciia tham s& m dé mdi phwong trinh sau ddy c6 hai nghiém phan biét trai diu:
O) (mz—l)x2+(m+3)x+(m2+m)=0 ® xz—(m3+m—2)x+m2+m—5=0
2.69 Tim cic gid tri ciia tham s& m dé mdi phuong trinh sau ddy c6 hai nghiém duong phan biét:
@ xX*-2x+m*+m+3=0 @(m2+m+3)x2+(4m2+m+2)x+m=0
® (m2+m+1)x2+(2m—3)x+m—5=0 @ x*—6mx+2-2m+9m* =0
® (m-2)x> —2mx+m+3=0
2.70 Cho: mx’ —(2m+1)x+m+3=0. Tim m dé phuong trinh c6:
@ hai nghiém trai ddu @ hai nghiém am ® 2 nghi¢m duong phan biét
2.71 Cho tam thuc: f (x)=x* —2mx+5m—4.
@ Tim m d& f(x)>0 véimoi x.
@ Tim m dé phuong trinh f (x)=0 c6 2 nghi¢ém duong phan biét.
2.72 Cho tam thuc: f (x)=(m-3)x* =2(m+1)x+m+3.
@ Tim m d& f(x)<0 v&imoi x.
® Tim m dé phuong trinh c6 hai nghiém ciing déu.
2.73 Cho phuong trinh: (m+1)x* =2(m+2)x+m+7=0.Tim m d phuong trinh c6 hai nghiém x,, x, thoa:
® x <2<ux, @ x<x,<2 0 2<x <x,
2.74 Tim m sao cho 2 nghi€ém x,, x, cua phuong trinh:
® (m-5)x*-2(m-1)x+2m=0 thoa x <-l<x,
@ (m+3)x* -2(m+9)x+5(m-1)=0 thoa  1<x <x,
® (2m+1)x* +2x+m+1=0 thoa X, <x,<4
@ (m+1)x* =2(m+9)x+5(m-1)=0 thoa x <l<x,
® x* -2mx+3m-2=0 thoa  x <2<ux,
® (m+3)x*+2(m-3)x+m-2=0 thba  x < x,<6
® (m-2)x*+2(4-3m)x+10m—-11=0  thda —4<x <x,
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2.75 Cho tam thtc: f(x)=(m—2)x> —=2mx+m—1.Dinh m dé:

@ f(x)20,vxeR. ® Phuong trinh ¢6 hai nghiém x,, x, thoa: x, <x, <2

2.76 Cho phuong trinh: (m—4)x* +2(m-2)x*+m-1=0
@® Tim m sao cho phuong trinh v6 nghiém.
® Tim m sao cho phuong trinh ¢6 4 nghiém phén biét.
2.77 Vi gid tri nao ciia m thi hé phuong trinh sau c6 nghiém thoa man diéu kién x>0 vay >0?
2)(—(m2 +m+1) y=-m’-9
m4)c+(2m2 +1) y=1

2.78 Tim m dé céc bat phuong trinh sau diy ludn ding véi moi x:

@ 5x°—x+m>0 @ (m+1)x*=2(m-1)x+3m-320
2_ J—
%»1 @ m(m+2) x> +2mx+2>0
x°—=3x+
® mx’ —10x-5<0 ® (m’ +4m-5)x" —2(m—1)x+2<0
X +mx—1 3x* —5x+4
— <1 ® >0
© 2x*=2x+3 ® (m—4)x2+(1+m)x+2m—1
@_4<2x2+mx—4<6 x*—8x+20
—x*+x—1 mx®+2(m+1)x+9m+4

2.79 Tim m d& mdi hé bit phuong trinh sau dy c6 nghiém:

{7x—22—4x+19 ®{\/§x+1>x—\/§

2x-3m+2<0 m+x>?2
2.80 Tim m dé céc bat phuong trinh sau ddy vo nghiém:
@ 5x2—x+m<0 ® mx*-10x-5>0

2.81 Tuy theo gid tri ciia m , hily bién luan s6 nghiém phuong trinh: (m+3)x* —(2m—1)x*-3=0
2.82 Ty theo gid tri ctia m , hiy xdc dinh s6 nghiém phuong trinh: ‘xz -2x —3‘ =m
2.83 Tim tat ca céc gid tri cia m dé ing voi mdi gid tri d6 phuong trinh sau c6 ding mot nghiém:
|1—mx| = 1+(1—2m))c+mx2
2.84 Cho phuong trinh: (m —J5 ) x> =3mx+m+1=0. Véi gid tri ndo cia m thi phwong tinh d3 cho:
@® C6 nghiém ?
® C6 hai nghiém tréi ddu ?
2.85 Cho phuong trinh: (m—2)x*—2(m+1)x> +2m—1=0. Tim m d phuong trinh trén c6:
@® Mot nghiém.
®@ Hai nghiém phan biét.
® Bdn nghiém phén biét.
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BAI TAP TRAC NGHIEN PHAN 2

SO0
TN2.76 Tim diéu kién xdc dinh cta bpt V2x—6+3<~+/2—x.
A. x>3. B. x<2. C.2<x<3. D. x<2 hodc x=>3.
TN2.77 Tim diéu kién xdc dinh cta bpt V4 —2x <~/x—2+5.
A x=2. B. x<2. C.x>2. D. 2<x<2.
o A 1A s , x=5 1
TN2.78 Tim di€u ki¢n x4c dinh cua bpt < .
Ji2—2x+1 ~6-x
A.1<x<6. B. x<6 va x#1. C.1<x<6. D. x<1 hodc x>6.
) Sx 1
TN2.79 Tim di€u ki¢n x4c dinh cua bpt + <0.
' ' P ¥ —5x+6 J5x-10
A, x>3. B. 2<x<3. C.x#2 va x#3. D. x>2 va x#3.
5 , . Nx—=7 1
TN2.80 Tim diéu kién xdc dinh ctia bat phurong trinh: v/x* —6x+9 + < > .
x=5 x —-11x+24
A. x#5 va x#8. B. x>7. C.x>7 va x#8. D. x>7 va x#8.
e o e 1K . x+3 .
TN2.81 Xét cac cap bat phuong trinh sau: I. ——>0 va x+3>0.
X
IL x-5>0 va (x=5)(x’=2x+3)>0. ML x+1>0 va (x+1)(x’ —2x+3)>0.
Cip bat phuong trinh nao twong dwong?
A. Chi L B. Chi IL. C. I valll D. Ivalll
TN2.82 Giai bat phuong trinh sau: v/2x—5 +4x>10+~/5-2x .
A.xZg. B.xég. C.ng. D. V6 nghiém
2 2 2
2
TN2.83 Giai bat phuong trinh sau: LXl-‘_2+)c<—)c—3.
X+
A.x<—§. B.x>—§vé x#1. C.x>§. D.x<§ va x#1.
3 3 3 3
TN2.84  Giai bit phuong trinh sau: (243-4)x<1-/3.
A.x2—1+\/§. B.x21+\/§. C.xS—1+\/§. D.xSH_\/g.
2 2 2 2
/ 2 2
TN2.85  Giai bit phuong trinh sau: (x—~/5)" <40+ (x+35) .
A x>245. B. x<24/5. C. x>-245. D. x<-24/5.
TN2.86 Giai bat phuong trinh sau: ,/x*(x—5) >0
A. x>5. B. x>0. C.x=5hoac x=0. D. x>5hoacx=0.
TN2.87 Giai bat phuong trinh sau: ,/(x—1)(x-2) <0.
A.x=1 hodac x=2. B. x<1. C.x<2. D. x>2.
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TN2.88 Giai bit phuong trinh sau: [10—5x1y/4—x <0.
A. x=2. B. x=4 hoac x=2. C. x<4. D. x=4.

TN2.89 Tap hop nghiém cua bat phuong trinh sau: (x*+4)[2x+5/20 1a
A.R. B. (I;+00). C. [1;+00). D. (—os31).

TN2.90 Tap hop nghiém ciia bat phuong trinh sau: L > 1=3x

> lIa
x—1 x x"—x

A. (0;+). B. R\{0:1}. C. (—=;0). D. (1;+e0).
TN2.91 Gidi bt phuong trinh sau: 2> > 2X+4
x—-4 x-3
A. x<1 hodc 3<x<4. B.3<x<4.
C.1<x<3 v x>4. D. x<1 hodc 3<x<4
iy A . x=3 x
TN2.92 Giai bat phuong trinh sau: +——<2.
x+1 x-1
5 g 5
A. _1SXS§' B. x<-1 hoacl<x£§.
< 5 g 5
C. -1<x<1 hoac ng. D. x<-1 hoacl<x£§.
2_
TN2.93 Giai bat phuong trinh sau: 3¥ Z5x+6 <3x+1.
X—
A. x>-3. B. 3<x<4. C.x>4. D. x> 4 hodc x<-3.
—_— 2_
TN2.94 Gidi bt phuong trinh sau: — X103
(x—3)(x+2)
A. x< -2 hoac —§<x<3. B. x<-2 hoac x>3.
2
C. —2<x<—§ hodc x>3. D. 2<x<3.

TN2.95 Bét phuong trinh (4m—5)x+3> 4mx+5m c6 tap hop nghiém Ia tip con clia (—o0;0] khi va
chi khi:

A.mz—é. B. m>—. C. m<—=. D. m<—.
5 5 5

TN2.96 Bét phuong trinh (m’ —2)x—m’ < 7x+4m+3
A. V6 nghiém khi va chi khi m=-3.

PN R m+1 oL m<3
B. C6 tap nghi€ém la | —eco;—— | khi va chi khi .
m—3 m>3

m+1

C. C6 tap nghiém a ( ;+ooj khi va chi khi -3<m < 3.

D. Ca 3 ddp an trén.
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TN2.97 Tép hop nghiém cia bat phuong trinh [2x—6|<2x+5 la:

A. —§;+oo . B. l;+<><> . C. —E;l . D. bap sd khéc.
2 4 2 4

TN2.98 Giai phuong trinh: |x—3|+|x+2|=5.

A. V06 nghiém. B.{-2;3}. C. [-2:3). D. [-2;3].
TN2.99 Giai bat phuong trinh: 2x+3 +i1 >2.

X X—
A.O<x<§hoéc x>1. B. x<0Ohoidc x>1.
. 3 3
C. x<0 hoac§<x<1. D.O<x<§.

TN2.100 Cho bAt phuong trinh: (m+3)(x—4) > m* +4m+3 (1). Xét cic ménh dé sau:
I. Néu m<-3: (1) c6 nghiém la x < m—3.
II. Néu m>—-3: (1) c6 nghiém 12 x>m—3.
IIL Néu m=-3: (1) vo s6 nghiém.
Ménh dé nao diing?

A.Chil. B. ChiII. C.IvallL D. 1, IT va IIL.
TN2.101 Gidi bt phuong trinh: >+ < 2X=4
x+2 x=2
A. -2<x<8. B. x>8 hoac x<-2.
C. 2<x<2 hoac 2<x<8. D. x>8.
2 2
TN2.102 Gidi bit phuong trinh: = o2 +19 20 +2x
x =25 x+5
A. 5<x<l1. B.—5<x<—§hoéc x>1.
2
C. x<-5 hoac x>1. D. x <-5 hoac —%<x<1.
TN2.103 Giai bat phuong trinh: x* —5x* +5x% +5x -6 <0.
A. —1<x<1 hoac 2<x<3. B. x<-1 hoac 1<x<2 hoac x=>3.
C. -1<x<3. D. -1<x<2 hodc x=3.
3_
TN2.104 Mién nghi¢m ciia bat phuong trinh: (x—4)~/x* —5x >%ﬂ9 la:
x —5x
A. —%<x<9. B. —%<x<0hoéc 5<x<9.
C.x<—% hodc x>9. D.x<—% hodc O0< x<5.
42
TN2.105 Mién nghiém cia bt phuong trinh; —1< #ﬁ” <4 I
X+
A. —4<x<—§ hoac x>1 B. 4<x<l1.
3 §
C. —§<x<1. D. x<—4 hodc x>1.

108 GV. Tran QuocNghia



CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

TN2.106 Giai bat phuwong trinh: (x> —9)(4—x) > x> —=7x+12:
A. -4<x<4. B. -4<x<3 hoac x>4
C. x<—4 hoac x>3. D. x<—-4 hoac 3<x<4.

TN2.107 Giai phuong trinh: v3x-5=x-5
A. x=10. B. x=3. C. x=3 hodc x=10. D. V6 nghi¢m.
TN2.108 Giai bat phuong trinh: v/ x* +2x+2 < 2x+3.

A.xs—z hoac x>-1. B.xS—z hoac xZ—é.
3 3 2
7
C. —SSXS—I. D.XZ—l.

TN2.109 Dinh m dé bat phwong trinh —x* +2(m —4)x+2m—11<0 c6 mién nghiém 1a R .
A. m<1 hodac m>5. B.1<m<5.
C. m< -5 hodac m>-1. D. 5<m<-1.

x> =2mx+m

> <3 ¢6 mién nghiém 1a R khi va chi khi:
X +x+2

TN2.110 Giai bat phuong trinh —4 <

A. —%SmSIZ. B.ms—g hoac m>12. C. —33m£%. D. m<-3 hoiac mZ%.

TN2.111 Dinh m dé phuong trinh x*+(m+1)x+2m—-2>0 ¢6 2 n hiém phan biét x;, x2 théa man
p g g p

3 3
x; +x;<0.

A.m>—-1vam=#3 B. m>3. C. m<-1. D. -1<m<3.

TN2.112 Giai bt phuong trinh: vx* +2x+2 < 2x+3.

A. xé—% hoac x>-1.B. xé—% hoac xZ—%. C.—<x<-1. D. x>-1.

TN2.113 Vi diéu kién nao ciia m dé phuong trinh mx* +2(3m—2)x+8m—16 =0 c6 2 nghiém phén biét
xi, %2 khdc 0 théa man == +2 > 1.
X X
A. 2<m<?2. B.m#z0vam=#2. C.m<0hoac m>2. D.0<x<2.
TN2.114 Tép nghiém ctia phuong trinh: [x* +7x+4|=|x+11| Ia
A. {-7:1}. B. {-5;-3}. C. {-3;-1}. D. {-7;-5;-3;1}.
TN2.115 Giai bat phuong trinh: ‘xz + SX‘ =x+35.

A. -5<x<-1 hoac x>1. B.-5<x<1. C.x<-1hoac x>1. D.-1<x<I1.

x*=5x+6<0 (1)

TN2.116 Giai h¢ phuong trinh: 1 2 S5x
+ >5 2)

x—2 x+3

A.2<x<3. B. 2<x<%. C. x<-3 hoac 2<x<%. D. x<-3 hoac 3<x<?.
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TN2.117

TN2.118

TN2.119

TN2.120

TN2.121

TN2.122

TN2.123

TN2.124

TN2.125

L o {(2x=4) +(x=2)" 20 (1)
Giai h¢ phuong trinh:
—x*+x+6>0 ?2)
A, 2<x<3. B. 2<x<3.
C. x<2 hoac x=3. D. x<-2 hodc x=>3.
2
x —6x+8
4x* +4x+2 )
Giai hé phuong trinh: { % T
X x+2 2)
x*—8x+15
A. x<2 hoiac x>35. B. 2<x<3 hodc x>4.
C.3<x<4. D. 3<x<5.
2x3 3 2)c+39> 0 )
Gidi hé phuong trinh: {* > 7
X +x+2 @)
x*—8x+15
A. -9<x<-3 hoac x>3. B. 3<x<3.
C. 3<x<l1. D. V6 nghiém.
2_
Gii biit phuong trinh: 1<~ 22 (3.
X +2x+3
A. x<1. B. 5<x<l1. C. 5<x<0.

X2 =5x+42>0
Mién nghiém ctia hé bat phuong trinh: { x* —8x+15<0

~x*+10x-92>0
A. x<lv x>4. B.

4<x<5. C.V0 nghiém.

A .| +7x+1020

Mién nghi€m cua hé bat phuong trinh .
X +2x° —x-2<0

A, -5<x<-2.

C. x<-2 hoac —-1< x<1. D. V6 nghiém.

. . 245x+4<
Dinh m dé h¢ bat phuong trinh sau c6 nghi¢m XX 0 .
(m-=5x-7=20
A. —4<x<5. B. 4<m<4. C. m<5.

: Ay a s . . |XP=6x+520
Dinh m dé h¢ bat phuong trinh sau v6 nghiém:

A.l<m<?2. B. m<1 hoic m>2. C. m<]1.
, o 2x% +3x+
Tim cédc gid tri cua a sao cho v41 moi x, ta ludn co6: ISW<5
X +2x+2
A.asg hoac a27—1. B.23a37—1. C.asg.
4 12 4 12 4

D. 0<x<l.

D. 3<x<9.

B. 5<x<-2 hodac —-1< x<1.

D. Khong ton tai m .

P+ Q2m+3)x+m’ +3m<0

D. Khong ton tai m .

D.Khong ton tai a.

1o
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TN2.126 Giai phuong trinh [3x—5|=x+6.

A.ng. B.xz—l.
2 4

C.x:E hodc x:—l. D.x:—E hodc x:l.
2 4 2 4

TN2.127 S6 nghiém ciia phurong trinh x> —5x +4|=—4x+4 Ia
A. 2. B. 3. C. 1. D. 0.

TN2.128 Tap nghiém cua phuong trinh ‘xz -3x+ 5‘ —|—4x+ 5| =0 la:

A. {-1,0;2}. B. {-1,0}. C. {2;5}. D. {-1;0;2;5}.
o1 K . 4X—9
TN2.129 Giai bat phuong trinh <7.
2x+3
< 3 5 2
A. x<-3 hoac x>—§. B. x<-3 hoiac xZ—g.
C.xs—3 hodc xZ—g. D. R.
2 3

TN2.130 Giai bat phuong trinh [9x +5> x> —2x +5.

A, —-1<x<1. B. 2<x<-1 hodac -5<x<I11.

C. x<-2 hodc x>11. D. V6 nghiém.
TN2.131 Gidi phuong trinh v/3x> —16x+5 =5—x.

A x=-2. B. x=5. C. 2<x<5. D. x=2vx=5.
TN2.132 Gidi phuong trinh: |x* +5x+6)=x+3.

A. x=-1 hodc x=-3. B. x=-1.

C. x=1 hoac x=3. D. x=1 hodc x=-3.
TN2.133 Gidi phuong trinh v/59— x> = x* = 3.

A. x=-5 hoac x=10. B. x=10.

C.x:—\/m hodc x:\/m. D.x:—\/g hodc x=\/§.

N ‘A , A N 2x% +x
TN2.134 Tim nghi€m cua bat phuong trinh: = =1-x.
—2x
A.le<l. B.léxél.
2 4 2
C.x<l hoac le. D.xsl hoac le.
4 2 4 2

TN2.135 Vi gid tri no clia m thi bat phuong trinh sau vo nghiém: (m+3)x* +2(m+2)x>4.

A. m<—4. B. m=—4. C. m<—4. D. Khong ton tai m .
TN2.136 Vi gid tri ndo clia m thi bat phuong trinh sau vo nghiém: 2(m—1)x>—mx’ —4.

A 1-2<m<1+42. B. m<1-+/2 hodc m>1++/2.

C.3-22<m<3+242. D. m<3-2v/2 hogc m>3+242.
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TN2.137

TN2.138

TN2.139

TN2.140

TN2.141

TN2.142

TN2.143

Dinh m dé bit phuong trinh (m—7)x—2m>4+(m-2)x c6 tap hop nghiém Ia tap hop con

clia (—oo;1].
A. m<-5. B. m<5. C. m>1. D. m>1.
Dinh m dé bat phuong trinh (2m—7)x+2<2mx—4m c6 tap hop nghiém la tap hop con ciia
[—2;+0).
A.m>4. B. m<4. C. m<—4. D. m>-4.
Dé giai bat phuong trinh 2_3); +3<0 c6 hoc sinh Ii ludn qua cic giai doan sau:
X+
- 2—-3x+3(4x+5
223 g g MHS) (0T
4x+5 4x+5 4x+5
I ()& (9x+7)(4x+5) <O. (2)

IIL. (2)<:>—§<x<—z.
4 9

Vay bét phuong trinh ¢6 tap nghiém la: (—%;—gj .

Li luan trén ding hay sai? Néu sai thi sai tir giai doan nao?
A. Sai tu giai doan . B. Sai tur giai doan II. C. Sai tur giai doan III.  D. Ca L, II, IIT déu ding.

x+522
Gidi hé bt phuong tinh: { T4
x-3
<=2
x+6
A. x<—4 hoac x>-3. B. “4<x<-3. C. x<—4 hoac x>2-3. D. -6<x<-3.

(x=5)"—(x+4)"<0
Giai hé bat phuong trinh: { ., 5 _» 3

— <0
x=2 x+2
1 |
A. —<x<2. B. x<— hoac x=>2.
2 2
C. x<-2 hoac 0<x<?2. D.x<—2hoa_“1cx2%.
—1S 4
Gidi hé bt phuong trinh; {*F2 2X75
x+3 2
— >0
x=5 x-2
< | 5
A. x<2 hoac x>35. B.—2<x£—§hoacx>§.
< 5 1, .
C.x<2hoacx>§. D.—2<x£—§hoacx>5.
Gidi bét phuong trinh: —5 < 2~ +85 <4.
x_
< . 37
A. x<5 hoac x>8. B.x<8hoacx>?.
< 37 <
C.xSShoacxz?. D. x<-8 hodc x>8.

n2
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x+2

>3
TN2.144 Giai hé bt phuong trinh: x=2 .
X 5x
+ >6
x=3 x+3
A. 2<x<4. B.V6 nghiém.
C. x<5 hoac x23?7. D. x<-3 hodc 2<x<4 hoic xZ%.

TN2.145 Goi x, va x, lan luot 1a hai nghiém ctia phuong trinh: [3x+5|=|x—5|. Khid6 x +x; bang
A. -25. B.S. C. 25. D. -5.

TN2.146 Giai bét phuong trinh: 5v/x> +5x+28 > x> +5x+4.
A. 9<x<4. B.x<-9 hodac x>4. C.0<x<8. D. x<0 hodc x>8.

TN2.147 Tim gié tri nh6 nhat va gid tri 16n nhét cua biéu thire P =+x—2+/6—x v6i 2<x<6.
A.0 va 4. B.2 va 4. C.2 va242. D. 2\/2 va 4.

Gid thiét sau diing cho 3 cdu 148, 149, 150. Cho nam ham sé:

1, (x2+2x+3), £, (%) =|x|+ﬁ, fi(x)= )c+l . fi(x) v+l fi(x)=1-x*+2x. Hay chon
X X X
khang dinh diing:
TN2.148 Ham s6 khéng c6 gid tri nho nhét 1a
A. £ (x). B. f,(x). C. £, (x). D. £, (x).
TN2.149 Ham sb c6 gid tri 16n nhat bang -2 trén khoang (—0;0) Ia
A. f(x). B. f,(x). C. f,(x). D. f,(x).
TN2.150 Ham s6 c6 gid tri 1on nhit bang 2 1a
A. £ (x). B. f,(x). C. £, (x). D. £, (x).

TN2.151 Hiy chi ra khang dinh sai trong cdc khang dinh sau. Moi nghiém ciia bat phuong trinh
2x+1>0 déu 1a nghiém cuia bit phuong trinh mx—m+1>0 khi

A. m=0. B.m=g. C. m<0 hoac m>z.D.O<m<g.
3 3 3
TN2.152 Cho ndm phuong trinh:
x2+(m+2)x+m:O (D) x2—2(m+1)x+m—5:O 2)

2(m’ +1)x* =2mx+1=0 (3) X’ =2(m-2)x+3m’—5m+12=0 (4)
x2+(\/§m+1)x+m2—\/§m+7=0 (&)

Hiy chon khing dinh diing trong cdc khang dinh sau.

Trong nam phuong trinh trén, cdc phuong trinh cé hai nghiém phan biét v4i moi gid tri clia
mla

A. (D). B. (1) va(2) C. (1), (2) va(5). D. (1) va (5).

GV. Tran QuocNghia n3
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TN2.153

TN2.154

V6i nam phuong trinh dd cho & bai TN2.152, hiy chon khing dinh diing. Céc phuong trinh ¢6
it hon hai ngiém véi moi gid tri cia m la

A. (3). B. (3) va (5). C. (3), (4)va(5). D. (3) va (4).

Cho ba biéu thtc

fi(x)=x"+4x+m-1

f(x)= 2 +2x+m—-2

fi(x)=Bm+2)x*=(3m+4)x+m+1.

Trong céc khang dinh sau, khing dinh n2o sai ?

2-2\7 2427
37 3

A. Véimoi m thude ( j tadéuco f,(x) luonla sé amkhi x thay doi.

B. Khi m>5 thi f,(x)>0 v&i moi gid tri cua x.

C. Khong c6 gid tri ndo cua m dé £, (x) <0 v&i moi gid tri ciia x.
o N2

D. Chi khi m > 2—7 thi méi ton tai x, dé f, (x,)>0.

PAP AN TRAC NGHIEM PHAN 2

[S—
(\9]

7181910111213 |14 15|16 |17 18|19 |20

w
I
)
(o)

c,¢c|pjc)pjcjc; B B|lA|C| D B|DIC|A|D

21 122123124 25|26 |27|28|29|30|31|32|33|34|35|36|37|38|39]40

AlAJIA|C/ D|IC|C|D/A| D D/A]C|B|C|D|B|D|A|C

41 | 42 |43 |44 |45 |46 (47 |48 |49 |50 |51 |52 |53 |54 |55|56 |57 |58]|59 |60

c,A|B|]C|B|D/ D/ B|C|]A B/D/AJA|C|B|B|C|B|A

61 | 62|63 |64 |65|66|67 6869|7071 72|73 |74 75|76 |77 |78 |79 |80

b, c/ D/ B/ DIA|C|A|D| D/ D|C|A|C|A|B|D|C

81 |82 83|84 |85 |8 |87 |88[8|190|91 92|93 |94|95|96 |97 |98 ]|99 100

A/D/C/ D/ A|B|D/ D|/A|C|B|A| D/ D|B|D|]A|C

101]102{103{104|105({106|107 108109110111 112|113 |114|115|116|117|118|119|120

1211221123124 1125{126|127 128 |129|130|131|132|133|134|135|136|137|138|139|140

1411421143144 1145(146|147 148149150151 |152|153|154

m
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1.

3.1

3.2

3.3

3.4

3.5

3.6

3.7

3.8

3.9

3.10

TRiCH DE THI DAI HOC = CAO DANG

v
an awn an
DA A

A - BAT PANG THUC TRONG CAC PE THI

[PHA-03] Cho x, y, z 1a cdc s6 duong thoéa man x+ y+z <1. Chting minh rang:

\/x2+i2+\/y2+i2+\/z2+i22x/8_2
X Z

y

[PHA-05] Cho x, y, z 1a cdc s6 duong thoa méin l+l+l =4 . Chimg minh ring:
X 'y Z

1 1 1
+ + <1
2x+y+z x+2y+z x+y+2z

[PHD-05] Cho céc s6 duong x, y, z théa min xyz = 1. Chimg minh rang:

3 3 3 3 3 3
\/1+x +y +\/1+y +z +\/1+z +x >33
Xy yz X

[PHA-06] Cho hai s6 thuc x #0, y #0 thay doi va thoa man didu kién (x+y)xy =x"+y* —xy.

) . .2 1 1
Tim gid tri 16n nhat cua bi€u thirc: A=—+— DS: MaxA =16 khix=y=1/2

Xy
[PHB-06] Cho x, y 1a cic s thuc thay doi.

Tim gid tri nho nhét cta bidu thite: A =/(x—1)" +y? +/(x+1)"+ " +|y—2]

[PHA-07] Cho x, y, z 1a sb thuc duong thay ddi va thoa mén diéu kién xyz = 1.
(y+z) v (z+x) 2 (x+y)

+ +
y y+2z\/z Z\/Z+2X\/; X\/;+2y\/;

[PHB-07] Cho x, y, z 1a ba s thuc duong thay ddi.

Tim gi4 tri nho nhét cia biéu thirc: P =

Tim gid tri nhé nhét ctia biéu thire: P = x| 4+ +y(l+ij+z L
2 yz 2 zx Xy

[PHA-07] Cho x, y, z la cdc bién s6 dwong. Tim gi4 tri nho nhét ciia biéu thirc:

P:{/4(x3 +y3)+g/4(x3 +z3)+g/4(z3 +XS)+2(%+Z_);+§J

[PHB-08] Cho hai s thuc x, y thay doi va thoa man x*+ y? =1. Tim gid tri 16n nhét va gid trin
2()c2 + 6xy)

nho nhat cta biéu thie: P=—— %
I+2xy+2y

[PHD-08] Cho x, y la hai s thyc khong am thay d6i. Tim gid tri 16n nhat va gid tri nho nhét cua

(x=y)(1-xy)

biéu thitc: P = > =
(1+x) (1+ y)

GV. Tran QuocNghia 1n5
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3.11 [CP-08] Cho hai s thyc x, y thay d6i va thoa man x* + y> =2. Tim gi4 tri 16n nhat va gid tri nho

nhét cta biéu thic: P = 2()c3 +y’ ) —3xy.

24/3-3
6

3.12 [DBPHB-08] Cho ba s6 duong x, y, z thoa min x+ y+z = i—z . Chtrng minh ring: x <
X

3.13 [PHA-09] Chung minh ring v&i moi s6 thuc dwong «x, y, z thoa man didu kién

x(x+y+z)=3yz,taco: (x+y) +(x+2) +3(x+y)(x+2)(y+2)<5(y+2)

3.14 [PHB-09] Cho céc s6 thuc x, y thay d6i va thoa man (x+ y)3 +4xy>2. Tim gid tri nho nhat cua
biéu thirc: A= 3(x4 +y* +)c2yz)—2()c2 + y2)+1

3.15 [PHD-09] Cho céc s6 thyc khong 4m x, y thay doi va thoa man x+y=1. Tim gi4 tri 16n nhit va
gid tri nho nhét cta biéu thic: S = (4)(2 +3y)(4y2 +3x) +25xy

3.16 [PHB-10] Cho céc sb thuc khong 4m a, b, ¢ thoa man: a+b+c=1. Tim gi4 tri nho nhét ciia biéu

thue: M =3(a2b2+b262+cza2)+3(ab+bc+ca)+2 a’+b*+c’

3.17 [PHD-10] Tim gi tri nho nhét ctia ham s6: y=~/—x* +4x+21 —/—x> +3x+10.
3.18 [CP-10] Cho hai s6 thuc dwong thay doi x, y thoa man didu kién 3x+y <1. Tim gid tri nho nhat

cta biéu thirc: A= 1+L
x oy
3.19 [PHAA1-11] Cho x, y, z la ba s thyc thudc doan [1; 4] va x>y, x> z. Tim gid trj nho nhét cia

biéu thire: P=—> 4+ 4%
2x+3y y+z z+x

3.20 [PHB-11] Cho a, b la cdc s6 thuc duong thoa man 2(a’+b°)+ab=(a+b)(ab+2). Tim gid tri

3 2 2
a b- a

3 3 2 2

nho nhét cia bidu thirc: P = 4(%#’—} —9(“ +b—j

3.21 [PHD-11] Cho céc s6 thuc x, y thoa man diéu kién ()c—4)2 +(y —4)2 +2xy <32. Tim gi4 tri nhd
nhit ctia biéu thitc: A=x"+y* +3(xy—1)(x+y-2).

3.22 [PHB-12] Cho cic s thyc x, y, z thoa man didu kién x+ y+z=0 va x>+ y* +z*> =1. Tim gi4 tri
16n nhat cia biéu thic: P=x"+y" +2°

3.23 [PHD-12] Cho cic sb thuc x, y thoa man diéu kién (x—4)" +(y—4)" +2xy <32. Tim gid trj nho
nhit cta biéu thic: A=x"+y’ +3(xy—1)(x+y-2)

3.24 [PHAA1-12] Cho céc s6 thuc duong a, b, ¢ thoa man diéu kién (a+c)(b+c)=4c”. Tim gid tri

324° 326 a>+b?

nho nhit cta biéu thic: P = —+ ——
(b+3c)” (a+3c) c
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CHUONG 4: BAT DANG THOC. BAT PHUONG TRINH TAI LIEU HOC TAP TOAN 10

3.25

3.26

3.27

3.28

3.29

3.30

1.

3.31

3.32

3.33

3.34

11.

3.35

3.36

[PHB-13] Cho a, b, ¢ 1a cédc s6 thyc duong. Tim gia tri 16n nhét ciia biéu thirc:
4 9

= N> +b +* +4 _(a—b)\/(“+zc)(b+zc)

[PHD-13] Cho x, y 1a cdc sé thuc dwong théa man diéu kién xy < y—1. Tim gid tri 1on nhét cta

biéu thuc: P= Xy __X=2%

X =xy+3y° 6(x+y)
[PHAA1-14] Cho x, y, z 1a cic sb thyc khong 4m va thoa dicu kién x*+ y* +z> =2. Tim gi4 tri

2
- 1+
2x + y—z _I+yz

X +yz+x+1 x+y+z+1 9

16n nhét cua biéu thic: P =

[DPHB-14] Cho céc sb thuc a, b, ¢ khong 4m thoa min diéu kién (a+b)c>0. Tim gid tri nhé nhat

ctia biéu thic: P=  |—— + b T
b+c Va+c 2(a+b)

[PHD-14] Cho hai s6 thuc x, y thoa min cdc didu kién 1< x<2; 1< y<2. Tim gid tri nhé nhét
2x +2y 4 2y +2x 4 1
X +3y+5 y +3x+5 4(x+y-1)

cua biéu thirc: P =

[THPTQG-15] Cho cdc s6 thyc a,b,c thudc doan [1; 3] va a+b+c=6. Tim gid tri 16n nhat ciia

21.2 2.2 2 2
bidu thitc: P:a b +bc +ca +12abc+72—labc.
ab+bc+ca

B - BAT PHUONG TRINH CO CHUA GIA TRI TUYET DO

Bat phuong trinh

Giai bat phuong trinh: ‘xz —2x —3‘ <3x-3

PH Vin héa HN - 98 PS: 2<x<5
Giai bat phuong trinh: |x—5|-x* +7x-9>0

DH DL Théng Long - 99 DS: 3-5<x<4+2
Giai bat phuong trinh: ‘xz —2x —3‘ >5(x-3)

PH Van hoa HN - 00 bS: x<3vx=>4
Giai bt phuong trinh: x* —3>/x? —2x+1

PH An Giang - 01 DS: x<(-1-17)12v x>2
Bat phuvng trinh cé- chuta tham a6

Tim m d& x* +2|x—m|+m’ +3m+1<0 c6 nghiém ?

HV Ky Thuat Quan su - 96 bS: —-1<m<-1/2
Tim a d¢ bat phuong trinh: x° +|x—d| <3 c6 nghiém am ?

HV Ky Thuat Quan su - 00 DS: —-13/4<a<3
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CHUONG 4: BAT BANG THOC. BAT PHUONG TRINH

C - BAT PHUONG TRINH CO CHUA CAN THUC

1. Bat phuvng trinh
3.37 Giai bat phuong trinh:  x—3 —v/x—1<~/x=2

TH Ky Thudt YTé 3 - 97 DS: x>3
3.38 Giai bt phuong trinh:  x < % vx=1

DHDL Van Lang - 97 bS: x<-5/6vx=>3
3.39 Giai bt phuong trinh:  +/x* —3x+2 > x+3

PH SP Vinh Khéi D - 99 bBS: x<-7/9
3.40 Giai bt phuong trinh:  ~x+1>3—+/x+4

PH Bdch Khoa - 99 bS: x>0
3.41 Giai bAt phuong trinh:  /5x+1—4x—1<3/x

PH An Ninh Khoi D - 99 PS: x>1/4
3.42 Giai bat phuong trinh:  3—x —v/x+7 <</x+2

CP Kinh Té Ki Thudt CN II - 07 PS: —2<x<3
3.43 Giai bat phuong trinh:  x+3 2/2x-8 +/7—x

DH Tay Nguyén - 99 DS: 4<x<5v6<x<7
3.44 Giai bat phuong trinh:  Jx—1-vx-2>+/x-3

+2
DH Tay Nguyén - 99 DS: 3<x< 6 3\/5
_ 2 _ 42
3.45 Giai bt phuong trinh: VI24x-a? V124x-x
x—11 2x-9
PH Hué Khoi D - 99 PS: x=-3v-2<x<4
coe 1A N 3

3.46 Giai bat phuong trinh: \/x +2vx-1+ \/x —24x—-1> P}

DH Ngan Hang - 99 DS: x>1

2
3.47 Giai bt phuong trinh: 2x > <x+21
(3-v9+2x)

PH M¢ Pia Chdt HN - 99 BS: —92<x<T2Ax#0
3.48 Giai bit phuong trinh:  \[x* — |+ <x

DH M7V Thudt Cong Nghiép - 99 DS: x>1
3.49 Giai bat phuong trinh: vx* —8x+15 ++/x> +2x—15 <~+/4x* —18x+18

PH Dwoc Ha Noi - 00 DbS: x<-5vx=3v5<x<L17/3
3.50 Giai bat phuong trinh: vx* +3x+2 +/x> +6x+5 </2x +9x+7

PH BK Ha Néi Khéi D - 00 DS: x=-5vx=-1
ns GV. Tran QuocNghia
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3.51 Giai bit phuong trinh:  (x” +x—2)2x* -1 <0

CPSP Nha Tré Mau Gido - 00 PS: —2<x<—J2/2v2/2<x<1

3.52 Giai bt phuong trinh:  x++/x* +4x >1

HV Chinh Tri QG TpHCM - 00 PS: x>1/6
3.53 Giai bat phuong trinh:  x+12 ,/2(x* 1)

PHDL Duy Téam Khoi D - 00 PS: x=—-1v1<x<3
3.54 Giai bat phuong trinh:  /(x+1)(4—x) >x-2

PH M6 dia chat HN - 00 DS: —1<x<7/2
3.55 Giai bat phuong trinh:  /x+2—+/3—-x >~/5-2x

PH Thity Loi - 00 PS: 2<x<5/2
3.56 Giai bat phuong trinh:  /7x—13 —/3x -9 </5x-27

DHDL Phuong Dong - 00 DS: x2>(229+8v411)/59
3.57 Giai bat phuong trinh:  x+6 >/x+1+~2x-5

PHDL Ky Thudt CN - 00 PS: 52<x<3
3.58 Giai bat phuong trinh: ‘xz —\/X—3‘ < ‘xz - 2‘ +‘2—x/x—3‘

DH An Giang - 01 bS: x>1
3.59 Giai bat phuong trinh:  +/x* =3x+2 >2x-5

DH Thdi Nguyén Khéi D - 01 PS: x<1v2<x<(17+413)/6
3.60 Giai bt phuong trinh: /(x+5)(3x+4) >4(x-1)

PH Kinh Té Quéc Dan - 01 DS: —4/3<x<4vx<-5
3.61 Giai bt phuong trinh:  ~/x+1+/x-1<4

DHDL Binh Duong - 01 DS: 1<x<65/16
3.62 Giai bat phuong trinh:  +/3x+4 +4/x -3 </4x+9

DHDL Binh Duong - 01 bS: 3<x<4
3.63 Giai bat phuong trinh:  /x+4 <Jx—1++/x-3

PHDL Thang Long Khéi D - 01 BS: x>~/52/3
3.64 Giai bat phuong trinh:  (x—3)v/x* -4 <x* -9

DH Y Duoc TpHCM - 01 bS: x<-13/6vx=3
3.65 Giai bt phuong trinh: —“”54_3

o

PHDL Hong Pirc - 01 PS: 5<x<4vx>4
3.66 Giai bat phuong trinh:  Vx* —3x+2 ++/x> —4x+3 = 24/x> —5x+4

DH Y Duoc TpHCM - 01 DPS:x=1vx=>4
3.67 Giai bt phuong trinh:  1+x—+1—-x>x

DH Ngoai Thuong - 01 DS: 0<x<1
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3.68 Giai bat phuong trinh: ~/x? —4x+3 20> —3x+1 2 x—1

PH Kién Triic Ha Néi - 01 BS: x<12vx=1
2
3.69 Giai bit phuong trinh: ———— > x—4
(1+\/1+ x)
PH Vinh - 01 bS: —1<x<8

3.70 Giai bit phuong trinh: (¥ —3x)v/2x* =3x=2 >0
DH Khoi D - 02 DS: x<-12vx=2vx23

3.71 Giai bat phuong trinh:  x+12 >/x—3 +/2x+1

Dy bi PH Khéi B - 02 DS: 3<x<4
3.72 Giai bat phuong trinh:  /x+11>x—4 +/2x—1

CD Diéu Dudng - 04 PS: 4<x<5
3.73 Giai bt phuong trinh: /x> +x—6 > x+2

DH Hung Vuong - Hé CD - 04 DS: x<3

, 2(x*-16) T—x
3.74 Giai bat phuong trinh: ———++VJx-3>
Vx=3 Jx-3

PH Khéi A - 04 PS: x>10—+/34
3.75 Giai bat phuong trinh:  2x+7 —+/5—x >+/3x-2

Dy bi PH Khéi D - 05 PS: 2/3<x<1v14/3<x<5
3.76 Giai bat phuong trinh:  /5x—1—~/x—1>/2x—4

PH Khéi A - 05 DS: 2<x<10
3.77 Giai bat phuong trinh: /x> —6x+1—4x+1<0

Dy bi PH Khéi B - 05 DS: x=1/4vx=1/2
3.78 Giai bt phuong trinh: /x> —4x+5+2x>3

CPKTYTéI-06 DS: x>2/3
379 Giai phuong trinh: —. 41> 3%

1-x 1-x°

Du bi PH Khdi A - 08 PS: —l1<x<~2/2v2J5/5<x<1
3.80 Giai bat phuong trinh:  x+1+2x—-2 </5x+1

CP Khéi A, B, D - 09 DS: 2<x<3
3.81 Giai bat phuong trinh: x—x >

1-\2(x" —x+1)
PH Khéi A - 10 BS: x=(3-5)12

1. ‘Phung phdp ddt an phu
3.82 Giai bit phuong trinh:  x(x—4)v—x> +4x+(x—2)" <2
PHQG TpHCM - 99 DS: 2-3<x<2+3
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3.83

3.84

3.85

3.86

3.87

3.88

3.89

3.90

3.91

3.92

3.93

3.94

3.95

3.96

3.97

—_—

Gidi bat phuong trinh:  (x* +1)+(x* +1)+3xv/x+1>0

DH Xay Dung - 99 DS: x=2-1
voe 1 K . x—1 x—1
Giai bat phuong trinh: ——-2, [—— =3
X X
PH Mo Ha Néi - 99 bS: —1/8<x<0
Giai bt phuong trinh:  (x+1)(x+4) <5vVx* +5x+28
HV Quan hé Quéc Té - 00 DS: -9<x<4

Giai bét phuong trinh:  2x* +4x+3v3-2x—x* >1

DHDL Phuong Dong - 00 DS: -3<x<1
, 3 1
Gidi bat phuong trinh:  3Vx +——=< 2x+——7
phuong N >
PH Thdi Nguyén - 00 DS: 0<x<4-3J712vx>4+3J712

Giai bit phuong trinh: 7x+7 +3/7x—6 +2/49x% + 7x—42 <181 -14x
PH An Ninh - 00 PS: 6/7<x<6

Giai bat phuong trinh:  24/3x =2 +3/x+2 23¢/(3x-2) (x+2)
DH Hai Phong - 01 bBS: 2/3<x<L34/4T7vx=>22

Giai bt phuong trinh:  —4./(4—x)(2+x) > x> —2x-8
CD Nong Lam - 01 DS: vn

Giai bt phuong trinh:  x(x+1)—+x* +x+4+2>0

PH Can Tho Khéi D - 01 DS: x<—-1vx>0
. / X /x—l 3
Giai bat phuong trinh: —_—t, — 22—
P g x—1 X \/5
DHDL Thang Long - 01 DS: -1<x<0vl<x<2
Giai bat phuong trinh:  x++/4—x? =2+ 3xv4—x*
DH M6 - Dia chdt - 01 DS: x=0vx=2vx=—2+-14)/3

Gidi bat phuong trinh: ~ 2x% ++/x> —=5x—6 >10x+15
DH Y Ha Ngi - 01 DS: x<(5-53)2v x> (5+/53)12

Giai bat phuong trinh:  +/5x% +10x+1>7—2x—x*

CP KT Cao Thcfng -07 bS: x<-3vx2>1
Giai bit phuong trinh:  (x+1)(x=3)v—x>+2x+3 <2—(x-1)’
Du bi PH Khéi D - 08 DS: 1-B<x<1+/3

Gidi bit phuong trinh:  x+1++/x> —4x+1>3x
PH Khoi B - 12 DS: 0<x<1/4vx=4
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1. Phuong phdp diing ham aé
2

3.98 Gii bat phuong trinh: vx+1+v1-x < 2—%

CPSP TPHCM - 98 PS: —1<x<1
3.99 Giai bt phuong trinh: /1—x —+/x* +1<x
CP Kinh Té Péi Ngoai - 00 PS: 0<x<l

3.100Giai phuong trinh: v/3x? = 7x+3 +/x% =3x+4 > x> =2 +/3x> —=5x -1
DH Cénh Sdt Nhan Dan - 01 DS: x<—2v(5+/37)6<x<2

11. Bdt phurng trinh cé- chita tham a6

3.101Giai va bién ludn bit phwong trinh: /x—m —vx—2m ><x=3m (m 1a tham s6)

(6 +23 ) m
DHQG TpHCM - 97 bBbS: m<0:vn;, m>0:3m<x<———
3.102Cho bat phuong trinh: (x2 + 1)2 +m< X +2+4
a. Giai h¢ phuong trinh khi m=3.
b. Xdc dinh m dé bat phuong trinh da cho théa Vxe (0;1).
PHQG TpHCM - 97 DPS: a. 0<x<yN2-1;b. m<3
3.103Tim m dé bat phuong trinh sau ¢6 nghiém: x—m~y/x—1>m+1 (m la tham sd)
HV Ky Thudt Mat Ma - 99 DS: Vm
3.104 Cho bét phuong trinh: mx—~/x—3 <m+1
a. Giai h¢ phuong trinh khi m=1.
b. Xéc dinh m dé bt phuong trinh d cho ¢6 nghiém.
1+
DHDL Hiing Vuong - 99 DS:a. vn; b. m< 4\/3
, o q N ﬂ Vaty =3
3.105Tim tat ca céc gid tri cua a dé hé sau c6 nghiém (x; y) thoa x>4:
Nx+5+4y+3<a
DHSP Ha Ngi - 01 DS: a=5

x> =5x+4<0
3x% —mxJx +16=0
Du bi PH Khoi D - 04 DS:

3.106 Tim tét ca cdc gid trictia m dé hé sau c6 nghi¢m: {

3.107Tim m dé phuong trinh: m(\/x2—2x+2+1)+x(2—x)30 ¢6 nghiem xe[0:1++3 .
Du bi PH Khéi B - 07 bS: m<2/3

3.108Tim m dé bat phuong trinh: (x—2—m)~x—1<m—4 c6 nghi¢m.
CP Khoi A, ALLB,D - 13 PS: m2>2
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Chii dé THONG KE
A. TOM TAT Li THUYETY

1. BANG PHAN BO TAN 5O VA TAN SUAT

1. fhdi niém vé thong ké
Théng ké 1a khoa hoc vé cdc phuong phap thu thap, td chirc, trinh bay, phén tich va xir 1y sd lidu.
2. Mau sé'liéu
e DAu hiéu Ia mot van dé hay hién tuong nao d6 ma nguoi diéu tra quan tam tim hiéu. M&i d6i
tuong diéu tra goi 1a mot don vi diéu tra. MJi don vi diéu tra c6 mot s6 liéu, s6 liéu d6 goi 1a gid
tri ciia dau hiéu trén don vi diéu tra dé.
e MGt tap con hiru han ciac don vi diéu tra duogc goi 1a mot miu. S6 phﬁn tir cia mot mau duoc goi
1a kich thwée mau. Céc gid tri ciia ddu hiéu thu dwoc trén miu duoc goi 14 mot miu sb lidu (mdi
gid tri nhu thé con goi 1a mot sO liéu cua mau).
e Néu thyuc hién diéu tra trén trén moi don vi diéu tra thi d6 1a diéu tra toan bo. Néu chi diéu tra
trén mot mau thi dé 1a diéu tra mau.

3. Bdng phén bé'tdn a6~ tdn sudl. Bdng phén bé'tdn a6 - tdn sudl ghép lop
e Tén s6 cla gid tri x, la s 1an lap lai coa gid tri x, trong mau 50 liéu.
A A s i S o A e A X S s . X n,
* Tansuat f; cua gid tr1 x, la ty sO gilra tdn sO n, va kich thuéc mau N hay f, :Wl'

Nguoi ta thuong viét tan suat dudi dang phan tram.
e Bang phan bo tan so0 (goi tat la bang tan s6) dugc trinh bay ngang nhu sau:

Gia tri (x) X, x, X, x

m

m

(n) n, n, n, n N=>n

m 1

(=)

Tan s

Trén hang tan s6, ngudi ta danh mot 6 dé ghi kich thudc mau N hang tong céc tan sb (tic N = z n ).
i=1
e Bo sung thém mot hang tan sut vio bang trén, ta duoc bang phan bd tn s - tan suat (goi tat 1a
bang tan so - tan sudt).

Gia tri (x) X, X, x, X,
. ; m
Tﬁn Sﬁ (n) nl n2 n3 nm N = zni
i=1
Tén suit % h 5 /s S

= Cha y: Ngu:(n ta cung thé hién bang phan bd tan s - tan suat dudi dang bang doc.
e Néu kich thudc mau s liéu kha 16n, thi nguoi ta thuong chia s6 liéu thanh nhiéu 16p dudi dang
[a;b] hay [a;b) (thudng c6 dd dai cdc 16p bang nhau). Khi d6 tan s6 cta 16p [a;b] 1a s gid tri

x, € [a;b] (hay x, €[a;b) ) xuét hién trong 16p d6. Tan suét cua 16p [a;b] 1a f :% trong d6 n

1a tan s6 cta 16p [a;b] va N 1a kich thudc mau.
v’ Bang phin bd tan suat ghép 16p dugc xéc dinh twong ty nhu trén.
a+b

v" Gia tri dai dién cua 16p [a;b] la c=
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~? N
1. Biéu détdn sudt hinh cét 30 -
e D¢ mo ta bang phan bo tan suat ghép 16p, 22
) Y A M , A 1:A 20
nguoi ta dyng céc cdt thang ding (xEp lien -
15 mHoc k\{r i
nhau hodc ri nhau) c6 chieu rong cot BHocky 2
bang d¢ dai cua lop, chi€u cao cft bang 5 |
tan s0, tang suat cua l6p tuong Ung. 0~
Xuit sac Gisi Kha Trung hinh
Biéu do 1: Xep loai hoc sinh.
e Luwu y: Thé hién sy bién dong cua mot doi tuong
Luong mua Hang ngay
2. ’Bwénqqdlplihdctﬁndud't 160
140 337
A o < A s . s <R 120 12 e 128
¢ Trén mat phang toa do xdc dinh cic diém 20 e e e e -
(C.,f)i=12, 3, ..trongd6 C,,lagid tri dai -
dién (gia tri trung binh cong cuia hai mit 16p thir i) L Sy

ciia 16p thir.i ., f, 12 tan sudt cita 1op thir . g gy —

Biéu do 2: Luong mua hang ngay.
e Duong gip khic ndi cdc diém theo (C;f) thety i =1, 2, 3, ... ladudng gap khic tan sudt.
w. Luu §: Thé hién su dién bién ctia cdc d6i tuong khac nhau vé don vi qua nhiéu don vi thoi gian.
3. Biéu dé hinh quat

V& duong tron tim O 10i v& céc hinh quat ¢6 dinh O, géc & dinh ti 1
voi tan sudt cua cdc 16p. Hinh bleu dién tryc quan bang bang phan b tan
suét nhu Vay goi la biéu do tan suat hinh quat.
w Luu ¥: Thé hién quy md va co ciu cua di tuong (theo ty 1¢ % tuong d6i)
Biéu do 3: Xép loai hoc sinh 16p 10A1 cudi nam hoc.

3. SO TRUNG BINH CONG. 5O TRUNG VI - MOT

1. S&trung binh
X+ Xy o+ X,

* V&imau so liéu kich thude N 1a {x,,x,,...,x, }: X =

N
- S ST s 1 s n L x A — nmxtnx,+..+nx
® V&imau s liéu duge cho boi bang phan bd tan so: x = ——1—2 3\] bk
nc, +n,c, +...+n.c,

e V&i miu sd liéu dugc cho boi bang phan bd tan s ghép 16p: X =

N
(¢, la gid tri dai dién cua 16p thi )

2. Sé'trungvi
e Gia st ta c6 mot mau gdm N sb lidu duoc sap xép theo thir tw khong giam (hoidc khdng ting).
Khi d6 s6 trung vi M la:
v Sb dung giira néu N 1¢;
v/ Trung binh cdng ciia hai s6 dimg gitra néu N chin.
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3. Mot
e M6t ctia mot bang phan bd tan s6 1a gid trj c6 tan s6 16n nhét va duoc ki hi¢u 1a M, .
e Chuy:
v S trung binh cua mau sb liéu dugc dung 1am dai dién cho cdc sO liéu cia mau.
v’ Néu cic sd liéu trong mau c6 su chénh léch qué 16n thi dung sO trung vi 1am dai dién cho céac
$6 lidu ctia mau.
v Néu quan tam dén gid tri co tan s6 16n nhit thi dung mdt 1am dai dién. Mot mau s6 lidu 6 thé
c6 nhiéu mot.

4. PHUONG SAI VA PO LECH CHUAN
I. Y nghia va cdch sic dung phicong sai:

¢ Phuong sai cia mdt bang so0 li€u 1a s6 dac trung cho d) phan tin cia cic so6 li€u so vdi soO trung
binh cua né. Phuong sai ctia bang thong ké dau hi¢u x , ki higu 1a s”.

e Khi hai diy sé liéu thong ké c6 ciing don vi do va ¢ s trung binh bang nhau hodc sp xi nhau,
day c6 phuong sai cang nhé thi mirc d¢ phan tidn (so véi trung binh) cua céc so li¢u thong ké
cang it.

2. Cong thitc tinh:
e Cich 1: Tinh theo tan sd

1 SO AT A A A
4 si:;Zni(xi—x) doi voi bang phéan bo tan so.
i=1

13 TV A e A A A A L 14
v osl= —Zni (ci —x) doi voi bang phéan bo tan so ghép 16p.
n iz
e Cach 2: Tinh theo tan suét

k —\2 .y .
viosi= z f; (xi - x) doi véi bang phéan bo tan suat.
i=1

v osi= Zk: fi (ci —;)2 ddi voi bang phan bd tan sudt ghép 16p.
i=1
Trong d6 n, f; 14n luot 12 tan s6, tan suat cla gid tri x, trong bang phan b6 tan sb, tan suét (hay 1a
tan so, tan suat ctia 16p thr i trong bang phan b tan so, tan suat ghép 16p); n 1a sb lidu théng ké
(n,+n,+n,+..4+n,=n) ;x 1asd trung binh cong cta cic s6 lidu théng ké; ¢,1a gid trj dai dién
cua l6p thtr i.
e Cich 3: St dung cong thitc 5> =" —(x)

Trong d6 x* Ia trung binh cdng clia cdc binh phuong s6 liéu thong ké, tirc 1a
= 1 : A: rsq 2 AT A A& A A
s =—(Z nixizj = Zfl.xi2 doi voi bang phan bo tan so, tan suat.
n\ iz i=1
- 1(< k , C o
v ox'=— Zrzicl.2 = Z f.c” doi v6i bang phan bo tan so, tan suat ghép 16p.
n\ iz i=1

3. D¢ léch chudn

e Do lech chuén: s, 1a cin bac hai ctia phuong sai s2: |5, =4/s’

e Do léch chuén cling duoc sit dung dé ddnh gid mirc d6 phén tan cua cic s liéu thdng ké (so voi
trung binh).

e Cich sir dung d6 1éch chuan hoan toan gidng nhu cach st dung phuong sai. Khi can chii y dén
don vi do, ta dung do¢ léch chuin s (vl s_c6 cung don vi do véi dAu hiéu X duoc nghién ctru).
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n n ra
v v

Vidu 1. [0D5-2] Piém kiém tra ctia 2 nhém hoc sinh 16p 10 dugc cho nhu sau:
Nhoém 1: (9 hoc sinh) 1,2,3,5,6,6,7,8,9
Nhém 2: (11 hoc sinh) 1, 3,3,4,4,6,7,7,7, 8, 10
Hiy 1ap céc bang phan b tan s6 va tuan sudt ghép 16p vai cac 16p [1, 41; [5, 6]; [7, 81; [9, 10]

cua 2 nhém.
Loi gidi

Bang phan bd tan s - tan suét ghép 16p 1a
Lép |Tan s6[Tan suit Lép | Tansé [Tan suit
diém | ni fi diém ni fi
[1;4] 3 33% [1;4] 5 45%
[5; 6] 3 33% [5; 6] 1 9%
[7; 8] 2 22% [7; 8] 4 36%
[9; 10] 1 11% [9; 10] 1 9%

N 9 100 % N 11 100 %

Vidu 2. Sau mét thing gieo trong mot gidng hoa, ngudi ta thu duoc sb liéu sau vé chidu cao (don vi 1a
milimét) cua céc cdy hoa dugc trong:

Nhém Chiéu cao Sb cay dat duoc
1 Tir 100 dén 199 20
2 | Tr200 dén 299 75
3 | Tur 300 dén 399 70
4 | Tir 400 dén 499 25
5 | Tu 500 dén 599 10
Lap bang phéan bd tan suit ghép 16p ctia miu so liéu trén.
Loi giai
Bang phan bd tan suét:
L:op Tén suét
chiéu cao
[100;199) 10%
[200;299) 38%
[300;399) 35%
[400:;499) 13%
[500;599) 5%
N 100%
Vidu 3. [0D5-2] Chiéu cao ctia 40 van dong vién bong chuyén duogc cho trong bang sau:
L6p chi€u cao (cm) Tan sb
[168;172) 4
[172;176) 4
[176;180) 6
[180;184) 14
[ 184 ;188) 8
[ 188 ;192 ] 4
Cong 40

Hay lap bang phan bd tan suét ghép 16p ?
Loi giai

126 GV. Tran QuocNghia



TAI LIEU HOC TAP TOAN 10

CHUCNG 5: THONG KE

Bang phan bd tan suit:
Lép Tan
chidu cao | Suat
[168;172) 10%
[172;176) 10%
[176;180) 15%
[180;184) | 35%
[184;188) | 20%
[188;192] 10%
N 100%

Lép s | Gia tri

chidu | 12" |dai dign

cao suat ci
[168;172) 10% 170
[172;176) 10% 174
[176;180) 15% 178
[180;184) 35% 182
[184;188) 20% 186
[188;192] 10% 190

N 100%

Vidu4. [0D5-2] Thng ké diém thi tot nghiép mén Todn ctia 926 em hoc sinh Truong THPT A cho ta

két qua sau day:

Diém bai thi (x) 1|2 3 4 | 5 | 6 7 8 | 9 |10
Tén s6 (n) 17 | 38 124 [ 176 | 183 [ 119 | ... | 50 | 25
Tan sut % 12,10 8,63 | 8,86

Loi giai

Tacé N =926 do d6 ta c6 két qua sau

Chuyén bang trén thanh dang cot va dién tiép vao cédc 6 con trong.

Diém bai thi (x) Tan s6 (n) Tan suat %
1 17 1.84
2 38 4.10
3 112 12.10
4 124 13.39
5 176 19.01
6 183 19.76
7 119 12.85
8 82 8.86
9 50 5.40
10 25 2.70

Vidu 5. [0D5-2] Két qua lam bai kiém tra ctia hoc sinh 16p hai 16p gdm 16p thuc nghiém (TN) va hoc

sinh 16p ddi chirmg (PC) dugc thé hién thdng qua Bang thong ké sau day:

Lop S6 S6 bai kiém tra dat diém tuong tng Diém
HS | 1 | 2|3 | 4|56 ]| 7] 8 [9]10] TB

10 G 46 | 0 1 6 |10 12| 8 | 7 |0 | 0| 63

10 C; 46 | 0l 0| O | 2 | 4] 6 |12]10]|8]| 4| 74

Hay lap bang phan bd tan suét ctia mau s liéu trén (trong mot bang).

Loi giai

Bang phan bo tan suat diém cua bai kiém tra:

L S6 S6 % bai kiém tra dat diém tuong wng
® THs [7 2 3 4 | 5 6 | 7 8 9 | 10
10C1 | 46 | 0 0 22 | 87 |21,7]261|21,7] 87 | 87 | 2.2
10C, | 46 | 0 0 0 | 43| 87| 13 261 |21,7]174] 87
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Vidu 6. Cho bang phan bd tan sé nhu sau

Biéu dé cot biéu dién tin sé

Chiing ta v€ biéu d6 cia né nhu sau

[163; 165] [166; 168] [169 171] [172; 174] [175; 177]

Biéu do dweng biéu dién tan sé

14

12

10

AN

-3 s
c \
= 6

a

2

° [163; 165] | [166; 168] | [169; 171] | [172; 174] | [175; 177] ‘
[——seriest 2 | w | s | 4 [ s

Lop Tan sb Tan suat
[163;165] |12 32,4
[166; 168] |10 27,1
[169; 171] |6 16,2
[172;174] |4 10,8
[175;177] |5 13,5
37 100%
Biéu dd cot biéu dién tin suit
W Tan 58 W TEn sudt(%)

[163; 165] [166; 168] [169; 171] [172; 174] [175; 177]

Biéu @b hinh quat biéu dién tan sust (%)

[175;177]
14%

[172;174]
1%

[169; 171]
16%

Vidu 7. Chiéu cao ciia 36 hoc sinh nir cta 16p 10A1 trudng Lwong Thé Vinh duoc cho boi bang phan

bo tan so sau:

Lop Tén sb Tén suét (%)
[156 cm; 160 cm) 6 17
[160 cm; 165 cm) 12 33
[165 cm; 170 cm) 10 28
[170 cm; 175 cm) 5 14
[175 cm; 180 cm) 3 8
36

Biéu dé chiéu cao hoc sinh niv

14

I&p 10A1

1z

10 7

B [156cm; 160 cm)
B [160cm; 165 cm)
B [165cm; 170 cm)
B [170cm; 175 cm)

m[175cm; 180 cm)

128
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Vidu 8. Thdng ké diém kiém tra toan cua 16p 10C, gido vién bd mén thu duoc sb lidu:
Piém | 0 [ 1 |2 |3 |4 |5|6|7[8]|9]10
Tansd | 1 | 1 [ 1 | 5] 6|7 |11]5]4]2]2]|N=45
Loi giai
a) Tinh: S6 trung binh, phuwong sai va d¢ léch chuén.
10
S6 trung binh: x = iZnixi =3,5.

i=0

10 10 2
Phuong sai: s’ =4LSan.xi2 _4_;2[2”[%} =4,7.

i=0 i=0

Do léch chuén: s = \/s_2 =2,2.

Vidu9. Cho hai bang phan bé tan s6 mé ta két qua diém thi moén Todn cua hai 16p 10A va 10B cta mot
truong (Hai 16p 1am ciing mot dé) nhu sau:

Béng 1: iém thi cia 16p 10A

Diém 1 3 4 5 6 7 8
Tan sd 1 3 4 8 10 3 1 N=30

Béng 2:Piém thi caa l6p 10B

Piém | 1 | 2 [ 3 | 4| 5|6 | 7| 89
Tanso | 1 | 2 [ 3 [ 4] 6 | 7 | 3 | 3 | 1 | N=30
a) Tinh phuong sai cuia bang 1 va bang 2.
b) Nhan xét 16p nao cé diém thi moén Toédn déng déu hon, vi sao?

Loi giai
a) Tinh phuong sai cuia bang 1 va bang 2.

Goi x, ; 1an Iuot 12 s6 TBC cua céc sb liéu trong bang 1,bang 2 ta c6:

X

i(1.2+3.3+...+1.8)=5,2-

30

- 1

=—(1.142.2+...41.9) =5,2.

V=35 )
53:3—10[(2_5,2>2+3(3—5,2>2+...+(8—5,2>2]f-1,83

A :3—10[(1—5,2)2 +2(2-5,2)* +...4(9-5,2)*] = 3,69

b) Nhan xét 16p nao cé diém thi mén Toén dong déu hon,vi sao?

Vi x=y=5,2 nhung S’<S*nén diém thi mon Toén cta 16p 10A ddng déu hon 16p 10B.
y g 8. <8,

Vi du 10. Khi diéu tra “Ning suit lda he thu nim 1998” cta 31 tinh, nguoi ta thu thap duoc cic sb liéu
ghi trong bang dudi ddy. Nang suat lia he thu (ta/ha) nim 1998 cta 31 tinh

30 30 25 25 35 45 40 40 35 45

25 45 30 30 30 40 30 25 45 45

35 35 30 40 40 40 35 35 35 35 35

Tinh phuong sai va d6 léch chuan ciia cdc s liéu trén.

Loi giai
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Nang suét lia (ta/ha) Tan s6 Tan suét (%)
25 4 12,9
30 7 22,6
35 9 29,0
40 6 19,4
45 5 16,1
Cong 31 100(%)
6 trung binh: i %i nx, = 25.4+30.7+ 3;'.19 +40.6+45.5 ~35.2.
i=0

52 = %[4(25 —35,2)>+7(30-35,2)* +9(35-135,2)" + 6(40—35,2)* +5(45-35,2)*] = 39,5 .

s=+/s> ~6,28.

Vi du 11. Dé chuin bj may dong phuc cho hoc sinh, nguoi ta do chiéu cao ciia 36 hoc sinh trong mét 16p
hoc va thu duoc céc sb lidu théng ké ghi trong bang sau:
Chiéu cao ciia 36 hoc sinh:

L6p do chiéu cao (cm) Tan s6 Tan suit(%)
[150; 156) 6 16,7
[156; 162) 12 33,3
[162; 168) 13 36,1
[168; 174) 5 13,9
Cong 36 100(%)
Tinh phuong sai va d6 léch chuan ciia cdc s liéu trén.
Loi giai

e Céch 1: Tinh theo tan sb:
- 6.153+12.159+13.165+5.171

S6 trung binh cong 1a x = m ~162 (cm)
Mbi s6 liéu thdng ké thudc mot 16p duoc thay thé boi cdc gid tri dai dién cua 16p do.
o, 6(153-162)" +12(159-162)" +13(165-162)" +5(171-162)’
Phuong sai s, = =31
36
D6 léch chuan s, = \/E =/31=5,6 (cm).
e Cach 2: Tinh theo tan suét:
56 trung binh cong I ¥ 16,7.153+33,3.159+36,1. 165 +13.9171 _, o
100
Phuong sai
, 16,7(153-162)" +33,3(159-162)" +36,1(165-162)" +13,9(171-162)
s, = =

100
Do léch chuin s, = \/E =31~ 5,6 (cm).

. 22 2
e Cich 3: Sir dung cong thirc 57 = x”—(x)

k 2 2 2 2
1(2’%2}=6'153 +12.159* +13.165> +5.171 261,

Tatinh x*> =—
36

n\ iz
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Vi du 12. Cho bang s6 liéu sau:
Thanh tich chay 50m cta hoc sinh 16p 10A & truong Trung hoc phd thong C

Lép thoi gian chay (gidy) Tan sb Tan suat(%)
[6,0; 6,5) 2 6,06
[6.5; 7,0) 5 15,15
[7,0;7.5) 10 30,30
[7.5; 8,0) 9 27,27
[8.0; 8.,5) 4 12,12
[8,5;9,0] 3 9,10
Cong 33 100(%)

a) Tinh phuong sai va do 1éch chuan cta cac s0 liéu théng ké cho ¢ bang trén.

b) Gia sir xét thém 16p 10D ciing thudc truong Trung hoc phd thong C c¢6 thanh tich chay 50m
trung binh 12 7,5 gidy, c6 phuong sai 1a 0,5. So sanh thanh tich chay 50m ké trén cta hai
16p 10A va 10D.

Loi giai

a) Tinh phurong sai va d6 1éch chuan cta céc sb lidu thong ké

e Cich 1: Tinh theo tan s6 ghép 16p
x :%(2.6, 2545.6,75+10.7,25+9.7,75+4.8,25+8,75) = 7,5 (giay).

52 :3—13[2.(6,25—7,5)2 +5.(6,75-7,5) +10.(7,25-7,5)" +9.(7,75-7,5)" +4.(8,25-7,5)" +

5, =52 =+/0,43 = 0,66.
e Cich 2: Tinh theo tan suét ghép 16p
}:ﬁ(aom 25+15,15.6,75+30,30.7,25+27,27.7,75+12,12.8,25+9,10.8,75) = 7,5

52 :ﬁ[@%.(a 25-17,5)" +15,15.(6,75-17,5)" +30,30.(7,25-7,5)" +27,27.(7,75-17,5)" +

X

5, =52 =+/0,43 = 0,66.

2_ 2 2
e (Cach 3: Stir dung cong thuc s; = x —(x)

= I(& 0 ,) 26,25 +5.6,75 +10.7,25% +9.7,75> +4.8,25* +3.8,75
D onc’ |= =56,79
i=1

X =—
n 33
—\2
(x) =(7.507575)" =~ 56,36
Suyra s> =56,79—-56,36 = 0,43.
5, =52 =+J0.43 = 0,66

X, =x,=171,5
sé =0,5

Suy ra thanh tich chay 50 m cua hoc sinh ¢ hai 16p nhanh nhu nhau, nhung thanh tich cua
cac hoc sinh ¢ 16p 10A dong déu hon.

b) Theo gi thiét ta c6 { va 52 =0,43 do d6 s, >s’.

Vi du 13. Cho bang céc s liéu théng ké sau: Chiéu cao ciia 120 hoc sinh 16p 11 & Trudng trung hoc phd
thong M
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. A Tan sb Tan suat
L6p chi€u cao (cm) = =
Nam N Nam N
[135, 145) 5 8 8,33 13.33
[145, 155) 9 15 15,00 25,00
[155, 165) 19 16 31,67 26.67
[165, 175) 17 14 28.33 23,33
[175, 185] 10 7 16,67 11,67
Cong 60 60 100(%) 100(%)

a) Tinh sb trung binh cua day s6 lidu vé chiéu cao ciia cdc hoc sinh nam, nir va cua tat ca 120
hoc sinh cho ¢ bang trén.

b) Tinh phuong sai va d6 1éch chuan ciia cc s6 liéu trén vé chiéu cao clia nam va ni.

¢) Gia sir truong trung hoc phd thong M con ¢6 mdt nhém hoc sinh nam 16p 10 chuyén todn (ki
hiéu 1a nhém T) cé chiéu cao trung binh [a x =163 cm, c6 d6 léch chuén 1a s, =13. So sdnh
chiéu cao cta ba nhém hoc sinh d cho (nhém nam, nhém ni, nhém T).

Loi gidi

a) Tinh sb trung binh cua day s liéu vé chiéu cao ciia cdc hoc sinh nam, nir va cua tat ca 120
hoc sinh cho ¢ bang trén
e Chiéu cao trung binh cta cdc hoc sinh nam:

v Céch 1: Diing tan sb x, = %(140.5+150.9+160.19+170.17 +180.10) =163 (cm).

v/ Céch 2: Ding tan suat

;1 = $(140.8,33+150.15+l60.31, 67+170.28,33+180.16,67) =163 (cm).

e Chiéu cao trung binh cta cdc hoc sinh nit:
v Céch 1: Ding tan s6 x, = 6—10(140.8+150.15+160.16+170.14+180.7) =159,5 (cm).

v/ Céch 2: Ding tan suat

;1 = $(140.13,33 +150.25+160.26,67 +170.23,33+180.11,67) =159, 5 (cm).

e Chiéu cao trung binh cua tit ca 120 hoc sinh:
x= $(60.159,5 +60.163) =161 (cm)
b) Day céc s6 liéu chiéu cao cua cdc hoc sinh nam c6:

s =%((140—163)2.5+(150—163)2.9+(160—163)2.19+(170—163)2.17+(180—163)2.10) ~134,3

_ [2 = ~
S =5 =4/134,3 =11,59
Day céc s0 li€u chiéu cao cua céc hoc sinh nit c6:

si = é((140—159,5)2.8+ (150-159,5)*.15+(160-159,5)*.16+ (170—159,5)*.14 + (180—159,5)2.7)

= s, =148.Suyra s_=./s; =148 =12,17
¢) Nh6m T c6 x, =163, 53 =169;5, =13.

Hoc sinh & nhém nam va nhdm T ¢6 chiéu cao nhu nhau va c¢6 cung 16n hon chiéu cao cua
hoc sinh nir (vi x, =x; > x, ).
Vi x, =x;=163(cm) va s, <s, nén chiéu cao cta céc hoc sinh nam déng déu hon chiéu

cao cua hoc sinh nhém T.
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Vidu 14.

Vidu 15.

Hai xa thu cung tap bén, mot nguoi da bén 30 vién dan vao bia. Két qua duoc ghi lai ¢ cdc bang sau:
Diém sb cua xa thu A

8 9 10 9 9 10 8 7 6 8

10 7 10 9 8 10 8 9 8 6

10 9 7 9 9 9 6 8 6 8
Diém sd cua xa thu B

9 9 10 6 9 10 8 8 5 9

9 10 6 10 7 8 10 9 10 9

9 10 7 7 8 9 8 7 8 8

a) Tinh s trung binh, phuong sai va do 1éch chuan cua cac s lidu thong ké trén.
b) Xét xem trong lan ban nay, xa thu nao bén chum hon?
Loi giai
a) Diém sb cta xa thu A co x= 8,3;55 =1,6;s5 =1,27.
Diém sb cua xa thu B co ; =8, 4;53 =1,77;s =1,33.
b) x =~ ; =8,4 diém, si > 57, nhu vdy mtrc d§ phan tén cua cdc diém sd (so vé6i sb trung binh)
ctia xa thii A 1a bé hon. Vi vay trong 1an tap ban nay xa thii A ban chum hon.
Cho cic s liéu thong ké ghi & bang sau
S6 nguoi xem trong 60 budi chiéu phim ctia mot rap chiéu phim nho

4 12 18 23 29 31 37 40 46 52
5 13 19 24 30 32 38 41 47 53
6 14 21 25 32 33 39 42 48 54
9 15 20 26 32 34 32 43 49 55
8 10 21 27 32 35 40 44 50 56
11 17 22 28 30 36 41 45 51 59

a) Lap bang phan bd tan sd va tan suat ghép 16p, véi cac 1op [0; 10); [10; 20); [20; 30); [30;
40); [40; 50); [50; 60).
b) Tinh s trung binh, phuwong sai va do 1éch chuan cia cac s6 lidu thong ké di cho.

Loi giai
a) SO ngudi xem trong 60 budi chiéu phim ctia mdt rap chiéu phim nho
Lop nguoi xem Tan sd Tan sut(%)
[0; 10) 5 8,33
[10; 20) 9 15,00
[20; 30) 11 18,33
[30; 40) 15 25,00
[40; 50) 12 20,00
[50; 60) 8 13,34
Cong 60 100(%)

b) x=32 (ngudi), s> =219,7;s, =15 (ngudi).
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¢. CAU HOI TRAC NGHIEM

1. BANG PHAN BO TAN SO VA TAN SUAT

Sir dung gia thiét sau cho ciu 1, ciu 2:

S6 hoc sinh gioi ctia 30 16p & mot trudng THPT A dugc thong ké lai nhu sau:
0 2 1.0 0 3 0 0 11 0 1 6 6 0
1 5 2 4 5 1 0 1 2 4 0 3 3 1 0

Caul. Dau hiéu va don vi diéu tra ¢ ddy 1a gi? Kich thuéc miu bao nhiéu?
A. Dau hiéu 1a 30 16p, don vi diéu tra 12 mdi 16p cta truong THPT A .
B. Diu hiéu 12 hoc sinh gioi, don vi diéu tra 30 16p.
C. Dau hiéu truong THPT A, don vi diéu tra 12 30 16p.
D. Déu hiéu 1a hoc sinh gioi, don vi diéu tra 1a 30 16p cua truong THPT A .

Cau 2. Viét cic gi tri khdc nhau trong mau s6 lidu trén
A. 0;1;2;3;4;5. B. 0;1;2;3;5;6. C. 0;2;3;4;5:6. D. 0;1;2;3;4;5;6.

Sir dung gia thiét sau cho ciu 3, ciu 4:

Dé may ddng phuc cho khéi hoc sinh 16p nim cua trudng tiéu hoc A . Ngudi ta chon ra mot 16p
5A, thong ké chiéu cao ctia 45 hoc sinh 16p 5A (tinh bang cm) dwoc ghi lai nhu sau:

102 | 102 | 113 | 138 | 111 | 109 |98 114 | 101
103 | 127 | 118 | 111 | 130 | 124 | 115 | 122 | 126
107 | 134 | 108 | 118 | 122 |99 109 | 106 | 109
104 1122 | 133 | 124 | 108 | 102 | 130 | 107 | 114
147 1104 | 141 | 103 | 108 | 118 | 113 [ 138 | 112

Cau3. Dau hiéu va don vi diéu tra ¢ ddy 1a gi? Kich thuéc miu bao nhiéu?
A. DAu hiéu 12 chiéu cao cua mdi hoc sinh, don vi diéu tra 12 mot hoc sinh cta 16p 45 hoc sinh.
Kich thuéc miu 1a N =45.
B. Diu hiéu 12 trudng tiéu hoc A, don vi diéu tra 12 mot hoc sinh ctia 16p 5A .
Kich thuéc miu 1a N =45.
C. Déu hiéu 45 hoc sinh, don vi diéu tra 12 mdt hoc sinh cua lop 5A.
Kich thuéc miu 1a N =45.
D. Dau hiéu 1a chiéu cao ctia mdi hoc sinh, don vi diéu tra 12 mot hoc sinh cua 16p 5A.
Kich thuéc miu 1a N =45.
Caud. Viét cc gi tri khdc nhau trong mau s6 lidu trén
A. 102;113;138;109;98;114;101;103;127;118;111;130;124;115;122;126;107;
134;108;99;106 ;104 ;133;147;141;138;143.
B. 102;113;138;109;98;114;111;103;127;118;111;130;124;115;122;126;107,;
134;108;99;106;104;133;147;141;138;112.
C. 102;113;138;109;98;114;101;103;127;118;111;130;124;115;112;126;107;
134;108;99;106;104;133;147;141;138;112.
D. 102;113;138;109;98;114;101;103;127;118;111;130;124;115;122;126;107,
134;108;99;106;104;133;147;141;138;112.
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Cau 5.

Théng ké diém kiém tra mon Todn ctia hoc sinh 16p 10 dwoc cho ¢ bang sau:
Piémthi |0 | 1| 2 | 3 |4 |5 6 |7]|8]9]10
Tansé | 3 | 2| 1 1 |37 4 18]9|3]1

Cho biét don vi diéu tra va kich thuéc cia miu so liéu trén?

A. Pon vi diéu tra: mon Todn, kich thudc cia miu sb liéu: 42

B. bon vi diéu tra: mon Todn, kich thudc ciia miu sb liéu: 40

C. Pon vi diéu tra: mot hoc sinh 16p 10, kich thudce cua mau s lidu: 40
D. Pon vi diéu tra: mdt hoc sinh 16p 10, kich thudc ctia mau s6 liéu: 42

Sir dung gia thiét sau cho ciu 6, cAu 7:

Cau 6.

Cau7.

Cau 8.

S4 con cua 40 gia dinh ¢ huyén A dugc théng ké lai nhu sau

2 4 3 2 0 2 2 3 4 5
2 2 5 2 1 2 2 2 3 2
5 2 7 3 4 2 2 2 3 2
3 5 2 1 2 4 4 3 4 3

Dau hiéu va don vi diéu tra ¢ ddy 1a gi? Kich thuéc miu bao nhiéu?

A. Diu hiéu 40 gia dinh, don vi diéu tra 12 mdi gia dinh & huyén A, kich thuéc mau 1a N=40
B. Diu hiéu huyén A, don vi diéu tra 12 mdi gia dinh ¢ huyén A, kich thude mau 1a N=40
C. Dau hiéu 1a s6 con, don vi diéu tra 1a mdi gia dinh & huyén A, kich thuéc mau 1a N=36
D. Déu hiéu 1a s6 con, don vi diéu tra 12 mdi gia dinh & huyén A, kich thuéc mau 1a N=40

Viét cic gid tri khdc nhau trong mau s6 li¢u trén

A 1;2;3;4:5 B. 1;2;3;5,7 C. 1,2,3;4;5,7;9 D. 1;2;3;4,5,7

Tién hanh mot cudc tham do vé s6 cin ning ciia moi hoc sinh nit 16p 10 truong THPT A, nguoi
diéu tra chon ngiu nhién 30 hoc sinh nit 16p 10 va dé nghi cdc em cho biét s can ning cua
minh. Két qua thu dugc ghi lai trong bang sau (don vi 1a kg):

43 |50 |43 |48 |45 |40 |38 |48 |45 |50 |43 |45 |48 |43 | 38
40 |43 |48 |40 |43 |45 |43 |50 |40 |50 |43 |45 |50 |43 |45

Dau hiéu va don vi diéu tra ¢ ddy 1a gi? Kich thuéc miu Ia bao nhiéu?
A. Pon vi diéu tra: s6 can nang hoc sinh nit. Kich thudc mau: 30

B. Pon vi diéu tra: Mot hoc sinh nit. Kich thudc mau: 10

C. bon vi diéu tra: 16p 10. Kich thudc miu: 30

D. Pon vi diéu tra: Mot hoc sinh nit. Kich thuéc mau: 30

2. BIEUDPO

Sir dung gia thiét sau cho cac cau 9, 10, 11:

Biéu do phan tdn dudi ddy biéu dién ti 16 u hic t6 (tinh theo don vi 100 000 ngudi) tir nim 1940
dén 1970.

]

A(o Q
S:b 50 o4+
v
vt 8 e
= > 40 e
2o IS 20
=
T3S 0 *
Z: *
( o 20
Rz AC Yoot
(@.(hﬂ ’(’(
- m 10 v
=k

14835 1540 1545 1850 1555 1560 1565 1570
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Cau 9. Dua vao biéu dd 1 em hiy cho biét nim 1969 c6 bao nhiéu ca mit bénh u hic t5?
A.S. B. 50. C. 50 000. D. 500 000.

Céau 10. Dua vao biéu do 1 em hay cho biét khoang bién thién giao d6 cua sb ca nhidm bénh u hic t6
gitra hai ndm 1945 va 1950 gan nhat véi s0 nao dudi day?

A. 50 000. B. 100 000. C. 170 000. D. 360 000.
Céau 11. Trung binh cong s ca méc bénh u héc tinh qua cdc nim gan nhat so voi ddp dn ndo dudi day?
A. 13 000. B. 3 300. C.3.3. D. 1,3.

Sir dung gia thiét sau cho cac cau 12, 13, 14, 15:
Cho biéu do. Chon phit biéu dung.

BIEU DO DIEU TRA SO CON TRONG 100 GIA
DINH XA TINH CHAU

50
as
a0
a5
30
a5 |
20 -
15
10

m 50 GIABINH

o 1 2 3 4 25

Céu 12. Gia dinh c6 dong con nhat 1a gia dinh c6

A. 1. B. 2. C.5. D. Khong xac dinh.
Cau 13. Sb gia dinh c6 tir 2 con tré 1én 1a

A. 20. B. 25 C. 40. D. 45.
Cau 14. Sb gia dinh c6 tir 3 con tré 1én 1a

A. 10. B. 15. C. 20. D. 5.
Cau 15. Sb gia dinh ¢6 it hon 2 con 1

A. 10. C. 55. C. 45. D. 80.

Sir dung gia thiét sau cho cic cau 16, 17:
Cho biéu d6 mirc thu nhdp trong nim 2000 cta 75 ho dan trong mot xd & viing nii cao. Chon
phat biéu ding.

BIEU DO MU'C THU NHAP (TRIEU DONG)
CUA 75HO DAN MOTXA MIEN NUI

30

25

20

15

10

g

o -
4 45 5 55 6 6.5 77 13

Céau 16. Ho gia dinh c6 thu nhép (triéu déng) cao nhat 1a

A.75. B. 13. C.6.5. D. 30.
Céau 17. Muc thu nhp (triéu ddng) nhiu gia dinh dat dugc nhat 1a
A.75. B. 13. C.6.5. D. 30.
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Sir dung gia thiét sau cho cac cau 18, 19, 20, 21, 22:

Cho biéu dd

BIEU DO MU'C THU NHAP (TRIEU DONG)
CcUA CAC HO DAN MOT XA MIEN NUI

30

25

20

15 +

10

4 4.5 5 3.3 G 6.3

77 13

Céau 18. Tong s6 ho dan cia xa mién ndi 1a
A. 30. B. 100. C. 52. D. 52,2.
Céau 19. Tong thu nhap (triéu ddng) cuia xa mién nii d6 1a
A. 52,2. B. 5220. C. 619. D. 619,5.
Céau 20. S ho dan c6 thu nhap trén 10 triéu 1a
A. 100. B. 10. C.5. D. 13.
Cau 21. S6 ho dan ¢6 thu nhap dudi 6 triéu la
A. 50. B. 60. C.5,5. D. 25.
Cau 22. Thu nhap (tri¢u déng) binh quan ciia mdi ho dan la
A. 3,5. B. 6. C.6,2. D. 6,195.
Sir dung gia thiét sau cho cic cau 23, 24:
Cho biéu d6 biéu dién dién tich va dan s mot sb viing ciia nude tA.
50000
50000
40000
B Bing bang séng Hong
30000 B Tay Nguyén
20000 Bang Nam BG
10000 —
D i ’
Ddn sd (nghin nguwdéi) Diéu tich (km2)
Cau 23. Mat d6 dan sd theo thir ty giam dan Ia:
A. Dbong Nam B9, Déng bang sdng Hong, Tay Nguyén.
B. Dong bang song Hong, Dong Nam B9, Tay Nguyén.
C. Dong Nam B9, Tay Nguyén, Dong bang song Hong.
D. Pdng bang séng Hong, Tay Nguyén, Dong Nam Bo.
Céau 24. Ving c6 mat do dan cu thap nhat 1a:
A. bdong Nam Bo. B. DPdng bang song Hong.
C. Tay nguyén. D. Ba vung c6 mat do dan cu nhu nhau.
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Sir dung gia thiét sau cho cac cau 25, 26, 27:

Cho biéu dd biéu dién diém thi mén Toan HK II nim hoc 2017 — 2018 cia truong THPT Lé
Quy Don.

Diém thi THPT mén Toén cua
khoi 12 treoong THPT Lé Quy
bon

45

40 4

) A
- N | X
: ~ J N \

Cau 25. Chon khang dinh diing
A. Khong c6 hoc sinh dat diém 10.
B. S6 hoc sinh dat diém 7 nhiéu hon téng s6 hoc sinh dat diém 5 cong $6 hoc sinh dat diém 9.
C. Tong s6 hoc sinh bi diém kém (khong vuot qud 3) 1a 25.
D. Tong s6 hoc sinh dat diém gioi (tir 8 diém tr 1én) 1a 40.

Cau 26. S6 hoc sinh dat diém 10 12

A. 0. B. 3. C. 4. D. 5.
Cau 27. Tbng s6 hoc sinh khéi 12 ctia truong THPT Lé Quy Pon 1a
A. 155, B. 156. C.157. D. 158.

Sir dung gia thiét sau cho cic cau 28, 29:

Cho biéu d6 gi4 ban vang trong thiang 4 nim 2017. (luu ¥ gid mua vao thip hon gid ban ra
100 000 dong mot huong)

31.8 3167

316 faN 31-75/
e / \ 31371 e /\/
. \ /\v A A / 3129

" /’ 3111 \ 31‘“/\/ \/ \ i /
ws 1 A VA |/
1os 208 \ \
304 == \,/ o

> = » B
AP AP gt gt \q'\b- \n’\v .\'b:\b‘ & (\\»- ,-p\v m\\v ,.g,\b o q?\b q,’\\u rf,b\h (t‘o\b o

Cau 28. Chon phat biéu diing
A. Gi4 vang c¢6 xu huéng ting déu.
B. Gid mot luong vang trong thang 4 thip nhat 1a 30 540 000 dong.
C. Néu mua mot lrong vang tai thoi diém gia vang thap nhit va ban ra tai thoi diém gid vang
cao nhét thi dugc 1ai 1 380 000 dong.
D. Néu mua mot hrong vang tai thoi diém gid vang thap nhat va ban ra tai thoi diém gid vang
cao nhit thi dwoc 13i 1 310 000 dong..

Cau 29. Mot nguoi mua mot lwgng vang vao ngay 11/4 sau d6 ban ra vao ngay 21/4 thi
A. Lai 220 000 ddng.  B.Ld 220 000 déng. C.Lii210 000 déng. D. Lai 230 000 dong.
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Cau 30. Cho biéu d6
Biéu do gia vang trong vong hai tudn qua

a1

40 39.8

39

38
Don vi tinh: tridy déng/Auong
37 == TrONg NuUec 36,9 36,-‘95

=gw=Thé gidi 36.09 /

.
36 35'22__—-—-—"'———-‘ 36,36

35 5,44 35,52
341
34

33,94
33

32

30
234 244 56 266 F18 ) 286 296 306 -7 27 37 47 57 &7

Chon phit bi¢u diing.
A. Gi4 vang trong nudc ludn cao hon gid vang thé gi6i.
B. Gi4 vang trong nudc ting con gid vang thé gisi giam.
C. Gid vang trong nudc giam con gid vang thé gi6i tang.
D. Gid vang trong nudc va thé gidi cling tang.

Sir dung gia thiét sau cho cac cau 31, 32, 33, 34, 35:

Cho biéu d6 xép loai hoc sinh 16p 10A

ra.

Cau 31. Néu 16p 10A c6 40 hoc sinh thi s6 hoc sinh gioi Ia

A. 7. B. 9. C. 24. D. 17,5% .
Cau 32. Néu 16p 10A c6 40 hoc sinh thi sé hoc sinh kh4 1a

A. 7. B. 9. C. 24. D. 22,5% .
Cau 33. Néu 16p 10A c6 40 hoc sinh thi s6 hoc sinh trung binh 12

A. 7. B. 9. C. 24. D. 60% .
Cau 34. Néu 16p 10A c6 40 hoc sinh thi s6 hoc sinh khong dat loai gioi la

A. 7. B. 33. C. 24. D. 82%.
Cau 35. Néu 16p 10A c6 40 hoc sinh thi s6 hoc sinh gioi it hon sb hoc sinh kha 1a

A. 7. B. 9. C.2. D. 17,5% .
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St dung gia thiét sau cho cac cau 36, 37, 38, 39, 40:

Cho biéu db phan loai sach trén mot ké sich

Tiéng Anh
32,5%

Tiéng Vit
30%

Cau 36. Néu trén ké sach tong cong c6 40 quyén sich thi sé quyén sach Todn trén ké 1a

A. 40. B. 12. C.13. D. 25.
Cau 37. Néu trén ké sich c6 13 quyén sich Tiéng Anh thi s quyén sich Todn trén ké 1a
A. 40. B. 12. C.13. D. 25.
Cau 38. Néu trén ké sich c6 12 quyén sich Tiéng Viét thi sé quyén sich Todn trén ké 1a
A. 40. B.12. C.13. D. 25.
Cau 39. Néu trén ké sich c6 25 quyén sach Toén thi sb quyén sich Tiéng Anh trén ké 1a
A. 40. B.12. C.13. D. 25.

Cau 40. Néu tong s6 quyén sich Tiéng Anh va Tiéng Viét nhiéu hon sb quyén sich To4n 1a 10 quyén
thi tong sb quyén sach trén ké 1a

A. 40. B. 12. C. 13. D. 25.
Sir dung gia thiét sau cho cac cau 41, 42, 43, 44:
Cho biéu db dién tich ciy trong & mot tinh mién nii
I Cay luong thuc

[ Cay cong nghiep
I Cay thuc pham

15%
72%

Cau4l. Néu tong dién tich (ha ) ciy trong 1a 36 000 ha thi dién tich (ha ) trong cy luong thyc 1a

A. 2592000 . B. 4680 . C. 5400. D. 25920.
Cau 42. Néu tong dién tich (ha ) cy trong Ia 36 000 ha thi dién tich (ha ) trong ciy cong nghiép Ia
A. 2592000 . B. 4680 . C. 5400. D. 25920.
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Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Néu tong dién tich (ha ) cy trong Ia 36 000 ha thi dién tich (ha ) trong cdy thuc phim la

A. 2592000 . B. 4680 . C. 5400. D. 25920.

Néu tong dién tich (ha) cay trong 1a 36 000 ha thi dién tich (ha ) trdng ciy thuc pham nhiéu
hon dién tich trong cay cong nghiép la

A. 720. B. 21240. C. 5400. D. 480.

Cho biéu d6 s6 co dong vien cdc doi béng nhi cia truong Tiéu hoc Lwong Thé Vinh mia giai
2017- 2018. Biét tong s6 cb dong vién 1a 200 hoc sinh.

Huou Vang

25%
Sée Nau
47 5% G4au Pen
12.,5%
Thoé Trang
15%

Chon khang dinh sai

A. Sb ¢ dong vién cua doi Géu Pen béng mot nia s6 co dong vién ctua doi Huou Vang.
B. S6 cb don vién ciia d6i S6¢ Nau Ia nhiéu nhat.

C. S6 cb dong vién ciia doi Gau Pen 1a it nhat.

D. S ¢6 dong vién ciia d6i Huou Vang 1a 25 c¢6 dong vién.

3. SO TRUNG BINH CONG. SO TRUNG VI - MOT

Céc gid tri xuét hién nhiéu nhat trong mau s6 liéu duge goi la
A. S6 trung binh. B. S trung vi. C. Mét. D. Do léch chuan.
C6 100 hoc sinh tham dy ki thi hoc sinh giéi Héa (thang diém 20). Két qua nhu sau

Diém 9 10 11 12 13 14 15 16 17 18 19
Tansd | 1 1 3 5 8 13 19 24 14 10 2

S6 trung binh, sO trung vi va mdt 1an luot 12
A. 15,20; 15,50, 15. B. 15,21; 16; 17.
C. 15,23; 14; 16. D. 15,25; 16,5; 14.

San luong lda (don vi 1a ta) cia 40 thira ruong thi nghi€ém cé cung di¢n tich dugc trinh bay
trong bang sd liéu sau

San luong 20 21 22 23 24
Tan s6 5 8 11 10 6 N =40

San lugng trung binh cua 40 thira rudng:

A.22.1. B.22.2. C.223. D. 22.4.

Cho mAu s lidu théng ké {6,5,5,2,9,10,8}. Mt ciia mau sb lidu 1a

A.S. B. 10. C.2. D.6
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Cau 50. 41 hoc sinh ctia mot 16p kiém tra chit lwong du nim (thang diém 30). Két qua nhu sau

Cau 51.

Sbluong(Tansd) | 3] 6 |44 ]6|7 3] 4 |2]2

Diém 9 |11 (14|16 | 17|18 20| 21 | 23|25
DPiém trung binh, sO trung vi va mdt cua du hi¢u lan Iuot 1a
A. 16,61;17,5; 18. B.17.4; 16, 17.
C. 22; 15; 20. D. 18,81; 18; 19.

Trén con dudng A, tram kiém soét da ghi lai téc d6 cna 30 chiéc 6 t6 (don vi ki/h)
Van toc 60 | 61 | 62 | 63 | 65 | 67 | 68 ] 69 | 70 | 72

Tan sb 2 1 1 1 2 1 1 1 2 2
Van toc 73 75 76 80 82 83 84 85 88 90
Tan sb 2 3 2 1 1 1 1 3 1 1

Van tde trung binh, s0 trung vi va mdt cia mau sb liéu trén la

A.73;71,5;75. B. 73,63;72,5; 75 va 85.

C. 74;73; 85. D. 74,02; 73,5; 80.

4. PHUONG SAI VA PO LECH CHUAN

Sir dyng gia thiét sau cho cac cau 52, 53, 54:

Cau 52.

Cau 53.

Cau 54.

Dé khao sat két qua thi tuyén sinh mon Todn trong ki thi tuyén sinh dai hoc nam vira qua cua
truong A nguoi diéu tra chon mot miu gém 100 hoc sinh tham gia tuyén sinh d6. Piém moén
Todan (thang diém 10) ctia cdc hoc sinh nay dugc cho ¢ bang phan b sau day.
biem [0 |1 |2 [3 [4 |5 |6 |7 |8 |9 |10

Tansd |1 |1 [3 [5 [8 |13 |19 [24 [14 |10 |2 [N=100

S trung binh la:
A. 6,23. B. 6,24. C. 6,25. D. 6,26

Phuong sai (chinh x4c dén hang phan trim) la:
A. 3,96. B. 3,99. C. 3,98. D. 3,97.

D6 léch chuan (chinh x4c dén hang phan tram) la:
A. 1,99. B. 1,98. C. 1,97. D. 1,96.

Sir dung gia thiét sau cho cac cau 55, 56, 57:

Tién 1ai (nghin dong) trong 30 ngay dugc khao st & mot quiy bén bio.
81 37 74 65 31 63 58 82 67 77 63 46 30 53 73
51 44 52 92 93 53 8 77 47 42 57 57 85 55 64

Hay lap bang phan bd tan s6 va tn sut theo céc 16p nhu sau:
[29,5; 40,5); [40,5; 51,5); [51,5; 62,5); [62,5; 73,5); [73,5; 84,5); [84,5; 95,5).

Cau 55. Tinh s6 trung binh cong:
A. 63,23. B. 63,28. C. 63,27. D. 63,25.
Cau 56. Tinh phuong sai
A. 279,78. B. 269,78 . C. 289,78. D. 279,75.
Cau 57. Tinh d6 léch chuan
A. 16,73. B. 16,74 . C. 16,67 . D. 16,67 .
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Sir dung gia thiét sau cho cac cau 58, 59, 60:

Cau 58.

Cau 59.

Cau 60.

Po chiéu cao (cm) ctia 40 hoc sinh nam & mot truong THPT, ngudi ta thu duoc mau sb lidu sau:

176 167 165 164 144 176 162 175 149 144
176 166 166 163 156 170 161 176 148 143
175 174 175 146 157 170 165 176 152 142
163 173 175 147 160 170 169 176 168 141

Lap bang phan bd tan s - tan suat ghép 16p theo chiéu cao ciia hoc sinh véi céc 16p:
[141;146], [147;152], ..., [171;176].

Dura vao bang phéan bé tan s ghép 16p trén, tinh chidu cao trung binh

A. x=162,4. B. x=160,4.

C. x=162,3. D. x=161,4.

Dua vao bang phén bd tan sb ghép 16p trén, tinh phuong sai.

A. s7=116,19. B. s’ =116,14. C. s*=116,15. D. s> =116,17.

Dura vao bang phéan bd tan sb ghép 16p trén, tinh d6 1éch chuan ctia mau s6 liéu di cho.
A. 5=10,74. B. s=10,78. C. s=10,72. D. s=10,71.

Sir dung gia thiét sau cho cic cau 61, 62, 63:

Cau 61.

Cau 62.

Cau 63.

C6 100 hoc sinh tham dy ky thi hoc sinh gidi mon todn, két qua dugc cho trong bang sau:
(thang diém 1a 20)

biém |9]10|11]12]13]14]15]16|17]18] 19
Tansd |1 1|35 ]8[13]/19]24]14]10] 2 | N=100

Tinh s6 trung binh
A. x=15,22. B. x=15,23. C. x=15,21. D. x=15,2.

Tinh phuong sai
A. s*=3,93. B. s> =3,97. C. s*=3,98. D. s*=3,9.

Tinh d6 1éch chuén.
A. s=1,95. B.s=1,92. C.s=1,99. D. s=1,912.

Sir dung gia thiét sau cho cic cau 64, 65, 66:

Cau 64.

Cau 65.

Cau 66.

Nguoi ta dd thong ké s6 gia cim bi tiéu hiy trong viing dich ctia 6 xi A,B,...,F nhu sau (don vi:
nghin con):

Xa A B C D E F
Sb lwong gia cam bj tiéu hiy 12 27 22 15 45 5

S trung binh:
A x=22. B. x=27. C. x=21. D. x=23.
Phuong sai
A. s* = 164,233. B. s> = 164,133. C.s* = 164,333.  D. s’ = 164,373.
Do léch chuan
A.s =128, B.s = 12,9. C.s =12,7. D.s = 12,5.
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Sir dung gia thiét sau cho cic cau 67, 68, 69:

Piém kiém tra mon todn cua hai hoc sinh An va Binh dugc ghi lai nhu sau:
An 9 8 4 10 3 10 9 7
Binh 6 7 9 5 7 8 9 9

Cau 67. Tinh diém trung binh ctia An.
A.7,5. B. 7.,9. C. 7,8. D. 7,6.
Cau 68. Tinh phuong sai va d6 léch chuan vé diém ciia Binh (chinh x4c dén hang phan tram).
A. phuong sai: s2 = 3 ;D0 léch chuan: s =1,73.
B. phuong sai: s2 = 4; D¢ léch chuan: s=2.
C. phuong sai: s> = 2 ; Do léch chuan: s=1,41.
D. phuong sai: s> = 1; D9 léch chudn: s=1.
Cau 69. Hoc sinh nao ¢6 két qua 6n dinh hon? Vi sao?
A. Binh ¢6 két qua 6n dinh hon. B. An c6 két qua 6n dinh hon.
C. Nhu nhau. D. Khong so sanh duogc.
D. CAVU HOI TRAC NGHIEM TV LUYEN
Bai 1: BANG PHAN BO TAN SO VA TAN SUAT
Caul. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ctia 30 gia dinh & khu phd X.
Nguoi ta thu dugc mau s liéu sau:
80 85 65 65 50 45 100 45 100 70
100 100 80 70 65 80 50 90 120 160
40 70 65 45 85 100 85 100 75 50
C6 bao nhiéu gia dinh ti€u thu trén 110kw/h mdt thang?
A.2 B.4 C.6 D. 8
Cau 2. Mot hoc sinh ghi lai bang phan bd tin suét cua mot mau $6 liéu nhu sau:
Gid tri (x) 0 1 2 3 4
Tan sb N=
Tan suat 12,5% 0% 50% 25% 2,5% 100%
Tuy nhién em d6 quén ghi kich thudc N. Khi d6 gid tri nho nhit c6 thé c6 ciia N Ia
A. 4 B.6 C.16 D. 24
Cau3. Dé diéu tra cdc con trong mdi gia dinh & mot chung cu gon 100 gia dinh. Ngudi ta chon ra 20
gia dinh ¢ tang 4 va thu dwoc mau s6 lidu sau day:
2 4 2 1 3 5 1 1 2 3
1 2 2 3 4 1 1 2 3 4
C6 bao nhiéu gia tri khdc nhau trong miu sb lidu trén:
A.6 B. 15 C.20 D.5
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Cau 4.

Cau 5.

Cau 6.

Cau7.

Cau 8.

Cau 9.

Bang phan bd tan s6 sau ddy ghi lai sb ghé trong trong cdc chuyén bay tir Ha Noi dén TPHCM:

Nhoém Khoang Tan sd
1 [0;4] 3
2 [5:9] 8
3 [ 10;1 4] 15
4 [15;19] 18
5 [ 20; 24 ] 12
6 [25;29] 6
Ty 18 phan tram s6 chuyén bay c6 nhiéu nhét 19 ghé trong xap xi 1a
A. 75% B. 73% ‘7
C.71% D. Khong thé xac dinh dugc tir bang trén

Cho bang phan bd tan suat ghép 16p, chiéu cao 40 hoc sinh 16p 10:

Cac lop so do cua R
chidy ‘C’;’O X (cm) [150;156) | [156;162) | [162:168) | [168;174] Cong
Tansb n, 7 12 17 4 40

M¢énh dé ding la

A. Gi4 tri trung tam cua lop [150;156) la 155  B. TAn s6 cua lop [156;162) 1a 19

C. Tan sb cua 16p [168;174) 1a 36 D. S6 168 khong phu thudc 16p [162;168).

Cho bang phan bd tan s ghép 16p:
Céc 16p gid tri cia X [50;52) | [52;54) | [54;56) | [56;58) | [58;60] | Cong

Tansb n, 15 20 45 15 5 100
M¢énh de ding 1& ménh de:
A. Gid trj trung tAm cua 16p [50;52) 1a 53 B. Tan sb cua 16p [58;60) 12 95
C. Tan sb cua 16p [52;54) 1a 35 D. S6 50 khong phu thudc 16p [54;56).

Cho bang phéan bd tan s ghép 16p:

Céc lop gid tri cua X A
op g : [50;54) [54;58) [58:62) [62;66] Cong
Tansb n, 15 65 15 5 100
M¢énh d¢ sai 1a ménh dé:
A. Sb 54 khong phu thudc 16p [50;54). B. S6 58 thudc 16p [58; 62)
C. Tan suét cua 16p [58;62) 1a 50% D. Gi4 tri trung tam cua lop [62;66) 1a 64
Cho bang phéan bd tan s ghép 16p:
Céc lop gid tri cua X A
op g1t [60:64) | [64:68) | g0y | (72761 | Cong
Tansb n, 65 15 5 15 100
M¢énh d¢ sai 1a ménh dé:
A. Sb 68 khong phu thudc 16p [64:68). B. S6 72 thudc 16p [72; 76]
C. Tan suét cta 16p [68;72) 1a 10% D. Gid tri trung tam cua l6p [64;68) 1a 66
Cho bang phan bd tan sb rdi rac:
X, X, X, D P X, Cong
n, n, n, 3 D n, n
M6t 1a
A. Sb nho nhét trong cac $6 X; voii= Lk B. S6 16n nhat trong cac $6 X; voii= 1,k
C. S6 x, c6 tan s6 nho nhit D. S6 x, ¢6 tan s6 16n nhat
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Cau 10. Cho bang phan bd tan sb roi rac:

X

1

1

2

3

Cong

n

i

10

5

15

10

50

M¢énh d¢ sai 1a ménh dé:
A. Tan suét cua 4 12 20 %
C. Tan sb cua 5 1a 45

B. Tan suit cta 212 20 %
D. TAn suét cua 5 12 90 %

Cau 11. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ctia 30 gia dinh & khu phd X.
Nguoi ta thu dugc mau s liéu sau:
80 8 65 65 50 45 100 45 100 70
100 100 8 70 65 8 50 90 120 160
40 70 65 45 8 100 8 100 75 50
Gi4 tri nho nhét ciia ddu hiéu 1a bao nhiéu:
A. 20 B. 30 C. 40 D. 60
Cau 12. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ctia 30 gia dinh & khu phd X.
Nguoi ta thu dugc mau s liéu sau:
80 8 65 65 50 45 100 45 100 70
100 100 8 70 65 8 50 90 120 160
40 70 65 45 8 100 8 100 75 50
S6 gia dinh c6 muec tiéu thu 80 kw/ h mot thang la
A. 15 B. 20 C.3 D. 4
Cau 13. Cho bang phan bé tan s ghép 16p:
Céc 16p gid tri cia X [50;52) | [52:54) | [54:56) | [56:58) | [58:;60] | Cong
Tansb n, 15 20 45 15 5 100
Ménh dé ding la ménh deé: o
A. Gid tri trung tam cua 16p [50;52) 1a 53 B. Tan s6 cua 16p [58;60) 1a 95
C. Tan s6 ciia 16p [52;54) 1a 35 D. S6 56 khong phu thudc 16p [54;56).
Cau 14. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ciia 30 gia dinh ¢ khu phd X.
80 8 65 65 50 45 100 45 100 70
100 100 8 70 65 8 50 90 120 160
40 70 65 45 8 100 8 100 75 50
Gi4 tri 1on nhit cta du hiéu Ia bao nhiéu:
A. 40 B. 160 C. 120 D. 180
Cho bing phan b tin sb ghép 16p: (Dung cho ciu 15, 16, 17)
150 ol i cia X
Cdc 16p gid tri ctia [50:52) | [52:54) [56:58) | [58:60] | Cong
[54;56)
Tansb n, 15 20 45 5 100
Cau 15. Tan sb cua I6p [56;58) 1a
A. 10 B. 20 C.15 D. 25
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Cau 16.

Cau 17.

Tan suét cua 16p [56;58) 1a
A. 5% B. 10% C.15% D. 20%

S6 céc sb liéu thong ké 1a
A. 60 B. 80 C. 90 D. 100

Cho bang phén b tin sb roi rac: (diung cho cau 18, 19, 20 )

Cau 18.

Cau 19.

Cau 20.

Cau 21.

X; 1 2 3 4 5 6 Cong
f,(%) | 20 | 10 30 20 10 100%
n, 5

Tan sb cua sb 4 1a
A. 15 B. 10 C.25 D. 20

TAn suét ctia sb 5 1a
A. 10% B. 15% C.20% D. 25%

S céc sb liéu thong ké 1a
A. 40 B. 60 C. 50 D. 100

Bai 2: BIEU PO TAN SO VA TAN SUAT

Cho bang phan b ghép 16p:
Céc lop gid tri cua X [7;13) [13;19) | [19;25) [25;31] Cong

Tansb n, 5 10 20 15 50
M¢énh d¢ sai 1a ménh dé:
A. Tén suét cia 16p [25;31] 1a 15 B. Tan suat cta 16p [7;13) 12 0,1
C. Bang di cho 12 bang tan s ghép 16p. D. Tén suét ctia 16p 1a [13;19) 1a 10%

Cho biéu do hinh quat théng ké gia tri xuit khiu ciia mét nwéc nhw sau: (Dung cho ciu 22, 23)

Cau 22.

Cau 23.

Cau 24.

Nhém

Dsu hod

Thar

Nguyén liéu nao xut khau nhiéu nhit:

A. Diu hoa B. Than d4 C. Sit D. Nhém

Cho biét gid tri xuat ctia dau hoa 1a 800 triéu USD. Hoi gid tri xuit khau than d4 la bao nhiéu
triku USD

A. 100 B. 200 C. 250 D. 400

Bai 3: SO TRUNG BINH CONG - MOT - SO TRUNG VI

Ba nhém hoc sinh gom 410 ngudi, 15 ngudi, 25 ngudi. Khéi lwong trung binh ciia mdi nhém
lan luot 1a 50 kg, 38 kg, 40 kg. Khéi lugng trung binh cua ca 3 nhoém hgc sinh 1a
A. 41,6 kg B. 424 kg C.41,8kg D. 40,5

GV. Tran QuocNghia 147



CHUCNG 5: THONG KE

TAI LIEU HOC TAP TOAN 10

CAu 25. Cho ddy sb liéu théng keé: 48, 36, 33, 38, 32, 48, 42, 33, 39. Sé trung vi cia ddy I
A. 32 B. 36 C. 38 D. 40
Cau 26. Cho X, Y, Z 12 ba miu sé liéu d6i mot khong c6 phan tir chung. S trung binh ctia cic mau sd
lidu, X, Y,Z, XUY, XUZ, YUZ dugc cho trong mau dudi day:
Mau X Y Z XuY | XuZ | YuZ
S trung binh 37 23 41 29 39,5 33
Khi d6 s6 trung binh cia mau XU YUZ 1a
A. 38 B. 33,5 C. 33,66 D. 34
Cau 27. Cho bang phin bd tan sb roi rac: Tudi ctia 169 doan vién thanh nién.
Tudi X, 18 19 20 21 22 Cong
Tan s n, 10 50 70 29 10 169
S trung vi ctia bang phan bd di cho I
A. 18 B. 20 C.24 D. 22
Cau 28. Cho mau sé lidu théng ké {6, 5, 5, 2, 9, 10, 8}. Mot ctia mau s6 liéu théng ké trén 1a
A5 B. 10 C.2 D.6
Cau 29. Tién lurong trong mot tuan lao dong (nghin déng ) cia mot nhém ngudi nhu sau:
196 158 174 166 156 147 128
190 206 183 148 166 175 120
165 189 174 148 225 192 173
154 140 180 172 135
S6 trung binh va sb trung vi 1a
A. 189,2 - 169 B. 167,8 — 169
C. 169 - 106 D. 176,5-177
Cau 30. Cho mau s6 liéu thong ké {28, 16, 13, 18, 12, 28, 13, 19}. S6 trung vi cia mau s6 lidu thong ké
trén la
A. 14 B. 16
C. 18 D. 20
Cau 31. Diém thi hoc ki ciia mot hoc nhu sau: 4, 6,2, 7,3, 5,9, 8, 7, 10, 9. S6 trung binh va s trung vi 1
A. 6,22 -7 B.7-6 C.6,6-7 D.6-6
Cau 32. Cho mau sb liéu théng ké {8, 10, 12, 14, 16}. S6 trung binh ctia mAu s6 liéu thong ké trén la
A. 12 B. 14 C.13 D. 12,5
Céu 33. Cho bang phan bd tan sb rdi rac: Chiéu cao (cm ) ctia 50 hoc sinh:
Chiéu cao x,, (cm) 152 156 160 164 168 | Cong
Tansb n, 5 10 20 5 10 50
S trung vi ctia bang phan b tan s6 trén I
A. 160 B. 156 C. 164 D. 152
Cau 34. Cho day s6 liéu théng ké: 21, 23, 24, 25, 22, 20. Sé trung binh cong clia ddy s6 liéu thong ké
trén la
A. 235 B. 22 C.225 D. 14
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Cau 35. Mot tram hoc sinh ciia tinh A (gom 11 16p 12) tham du ki thi gidi todn cia tinh (thang diém 20)
va diém trung binh cta ho 1a 10. Biét rang s hoc sinh 16p 11 nhidu hon 50 % s6 hoc sinh 16p
12 va diém trung binh cta khéi 12 cao hon diém trung binh cta khéi 11 1a 50 %. Diém trung
binh ctia khdi 12 1a

A. 10 B. 11,25 C. 125 D. 15
Céu 36. Cho bang phan bd tan sb roi rac:
X, 2 3 4 5 6 Cong
n; 5 15 10 6 7 43
Mbt ctia bang phan b da cho 1a
A.2 B.6 C.3 D.5
Cau 37. Diém thi tiéng anh ciia mot 16p hoc dugc thdng ké trong bang sau: (t6i da 100 diém).
Nhém Khoang Tan sb
1 [ 40;4 9] 3
2 [50;59] 6
3 [ 60; 69 ] 19
4 [70;79] 23
5 [ 80; 89 ] 9
Cong N =60

Diém trung binh 1a
A. 69,1 B. 65,33 C.71,2 D. 69,33

Cau 38. S diém tric nghiém hé s6 (IQ) cia mot nhém hoc sinh nhu sau: 52, 41, 13, 43, 46, 39, 21. Sb
trung vi va sb trung binh Ia

A. 41-36 B. 41-36,43 C. 36,43-41 D. 36,4 — 43
Cau 39. Cho day $6 liéu théng ké: 11, 13, 14, 15, 12, 10. S trung binh cong cua day $6 liéu d6 1a
A. 135 B. 12 C. 125 D. Mot dép s khac

Cau 40. Ba nhém hoc sinh gdm 10 nguoi, 15 nguoi, 25 nguoi. Khdi lwong trung binh ciia méi nhém lan
luot Ia 50 kg, 30 kg, 40 kg. Khéi lwgng trung binh ctia ca 3 nhém Ia
A. 40 B. 42,4 C. 26 D. 37

Cho bang phan b6 thn s sau: Piém sb cia 50 hgc sinh (thang diém 20). (dung cho cac cau 41, 42, 43)

Diémséx, | 9 | 10 | 11 | 12 | 13| 14 | 15| 16 | 17 | 18 | 19 | Céng
Tansén, 1|1 |3 |5 |8 |13|/19|14]14]10] 2 | 50

Cau 41. S6 trung binh cong ctia bang phan b tan s6 1a
A. 13 B. 14 C.15 D. 15,23

Cau 42. S6 trung vi cia bang phan bd tan s 1a
A. 14 B. 15 C. 155 D. 16

Cau 43. Mdt ctia bang phan bb tan sb 1a
A. 16 B. 17 C.15 D. 14
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Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Bai 4: PHU'ONG SAI VA PO LECH CHUAN

Cho mau sb liéu théng ké { 2,4, 6,8, 10 }. Phuong sai ciia mau sb lidu trén:

A.6 B. 8 C.10 D. 40

Cho day s6 liéu thong ké: 1, 2, 3, 4, 5, 6, 7. Phuong sai ctia dy so liéu trén:

A. 4 B.2 C.3 D. 1

Céc gid tri xuét hién nhiéu nhat trong mau sb liéu théng ké dugc goi la

A. Mbt B. S6 trung binh C. S6 trung vi D. Do léch chuén
Néu don vi cia s lidu Ia kg thi phuong sai c6 don vi:

A. kg B. kg’ C.khong c6donvi  D. %

Cho day sé liéu thong ké: 1, 2, 3, 4, 5, 6, 7. Do 1éch chuan cua day sb liéu trén:

Al B.\2 C.3 D.2

Cho day s6 liéu thong ké: 1, 2, 3, 4, 5, 6, 7, 8. Do léch chuén ciia ddy s liéu trén gan bang
A.23 B.3,3 C.43 D.53

Ti s6 giita tan s6 va kich thuéc miu

A. Mbt B. Phuong sai C. Tan suét D. S6 trung vi

Céc gid tri xuét hién nhiéu nhat trong mau s6 liéu duge goi la
A. Tan suét B. Mot C. S6 trung binh D. Do léch chuén

Cho bang phan b6 tan sé sau: Chiéu cao (cm) ciia 20 hoc sinh (Dung cho cau 52, 53).

Chiéu cao X; 150 155 160 165 Cong
Tan sé n, 2 5 8 5 20
Cau 52. Phuong sai cia bang s liéu thong ké trén 1a
A. 18,5 B. 19,5 C. 20,5 D. 21,5
Cau 53. D6 léch chuan cua céc s6 liéu thong ké gan bang
A. 4,30 B. 4,42 C.4,53 D. 4,63
Cau 54. Mot dan nhac giao huéng ¢ 35 nhac cong ¢6 do tudi nhur sau:
Nhém Khoang Tan sb
1 [ 20;24 ] 2
2 [25;29] 7
3 [30;34] 15
4 [35;39] 8
5 [ 40; 44 ] 3
Do léch chuén la
A. 498 B. 4,88 C.5,1 D. 5,02
Cau 55. So oto di qua mot cay clu trong mot tuan dém duoc nhu sau: 83, 74, 71, 79, 83, 69, 92. Phuong
sai va do léch chuén cua day s6 d6 1a
A.79-7,5 B. 74— 7,46
C.79-17,46 D. 74-17,5
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Cho béng phén bé tin sé ghép 16p ghi chiéu cao ciia cic ciy hoa trong vuon nhu sau (Dung cho ciu

56, 57, 58):
Chiéu cao (m) [ 0;0,5) [0,5;1) [1;1,5]
Sb cay 8 16 8
Cau 56. Chiéu cao trung binh (;) cua cay hoa la
A. x=0,5 B. x=0,75 C.x =0,6 D. x=0,7
Céu 57. Phuong sai ctia mau 1a
A.035m B. 0,125 m? C.0,75 m? D. 0,5 m>
Cau 58. Do léch chudn ctia mau trén 1a
A.0,35 B.04 C.03 D. 0,2
Cau 59. Cho mau s6 liéu thong ké {8, 10, 2, 4, 6}. Do léch chuan ctia mau 1a
A.2,8 B. 8 C.6 D. 2,4
Cau 60. He s6 bién thién ciia mau s6 lidu thong ké {8, 10, 2, 4, 6} 1a
A.282 % B. 0,28% C. 47,1% D. 0,47%

Piéu tra sb6 con ciia mét té dan phé gdm 50 gia dinh ciia mét thanh phé ta dwoce bang sé liéu sau
(Dung cho cau 61, 62, 63):

Cau 61.

Cau 62.

Cau 63.

Cau 64.

0 5 2 3 3 7 2 1 6 2
3 1 2 0 5 2 1 3 6 2
1 0 3 6 4 3 2 1 2 5
2 3 4 2 1 3 5 2 0 1
3 4 2 0 2 4 3 1 3 1
S trung vi bang
A.2 B.3 C.4 D. 2,5
S6 trung binh bang
A. 2,58 B. 2,59 C. 3,01 D. 2,56
bo léch chuin bﬁng
A. 1,72 B. 2,96 C. 2,58 D. 1,75
BAI TAP TONG HO'P CHU PE 5
Théng ké diém kiém tra moén Todn cua hoc sinh 16p 10 duoc cho & bang sau:
Diemthi |0 |1 | 2 | 3 |45 6 |[7]8|9]10
Tansd [3 | 2| 1 | 1 [ 3|7 |4 |8|9]|3]1

Cho biét don vi diéu tra va kich thuéc cia miu so liéu trén?

A. DPon vi diéu tra: mon Todn, kich thudc ciia miu sb liéu:42

B. bon vi diéu tra: mon Todn, kich thudc ciia miu sb liéu:42

C. Don vi diéu tra: mot hsinh 16p 10, kich thudc ctia mau so liéu:40
D. Pon vi diéu tra: mot hsinh 16p 10, kich thudc ctia miu s6 li¢u:42
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Cau 65. Cong viéc nao sau ddy khéng phu thude vao cong viée ciia mén thong ké?
A. Thu nhap s lidu. B. Trinh bay s6 liéu
C. Phan tich va xir 1y s6 liéu D. Ra quyét dinh dya trén s6 liéu
Cau 66. Dé diéu tra cdc con trong mdi gia dinh & mot chung cur gdm 100 gia dinh. Nguoi ta chon ra 20
gia dinh ¢ tang 2 va thu dwoc miu sb lidu sau:
2431233512
1223411324
Dau hiéu ¢ day 1a gi?
A. S gia dinh & tang 2. B. S6 con ¢ mbi gia dinh.
C. S6 tang ciia chung cu. D. S6 ngudi trong mdi gia dinh.
Cau 67. Diéu tra thoi gian hoan thanh mot san phamciia 20 cong nhin, ngudi ta thu dwoc mau sb lidu
sau (thoi gian tinh bang phuit).
101213151113 1618 1921
2321151716152013 1611
Kich thuéc mau 14 bao nhidu?
A. 23 B. 20 C. 10 D. 200
Cau 68. Thong ké vé diém thi mdn todn trong mot ki thi ciia 450 em hoc sinh. Nguoi ta thdy c6 99 bai
duogc diém 7. Hoi tan suat cta gid tri xi= 7 1a bao nhiéu?
A. 7% B. 22% C. 45% D. 50%
Cau 69. Nhiét d6 trung binh cta thang 12 tai thanh ph Thanh Héa tir naim 1961 dén hét nam 1990 dugc
cho trong bang sau:
Céc 16p nhiét 6 ° C) Tan sb Tan suat(%)
[15;17) 5 50
[17;19) 2 20
[19;21] * 30
Cong 100%
Hay dién s6 thich hop vao *:
A. 2 B.3 C.4 D.5
Cau 70. Khdi lrong cta 30 cu khoai tay thu hoach & mt néng trudong
L&p khdi luong (gam) Tan sb
[70;80) 3
[80;90) 6
[90;100) 12
[100;110) 6
[110;120) 3
Cong 30
Tan suat ghép 16p ciia 16p [100;110) 1a
A. 20% B. 40% C. 60% D. 80%
Cau 71. Cho bang phan phdi thyc nghiém tan s roi rac:
Mau thir x; 1 2 3 4 5 Cong
Tan s6 n; 2100 1860 1950 2000 2090 | 10000
M¢énh d¢€ nao sau day 1a ding?
A. Tén suit cua 3 1a 20% B. Tan suat ctia 4 12 20%
C. Tan suét ctia 4 14 2% D. Tén suét cia 4 1a 50%
152 GV. Tran QuécNghia



TAI LIEU HOC TAP TOAN 10 CHUONG 5: THONG KE

Cau 72.

Chiéu dai ctia 60 14 duong xi truong thanh

L6p cia chiéu dai ( cm) Tan sb
[10;20) 8
[20;30) 18
[30:40) 24
[40;50) 10

S6 14 ¢6 chiéu dai tir 30 cm dén 50 cm chiém bao nhiéu phan trdm?

A. 50,0% B. 56,0% C. 56,7% D. 57%

Cho bang tin sb, tin suit ghép 16p nhu sau: diung cho: Cau 75, Cau 76, Cau 77

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Lép Tan So Tan Suét
[160;162] 6 16,7%
[163;165] 12 33,3%

[166;*] o 27,8%
[169:171] 5 sk
[172:174] 3 8,3%

N =36 100%

Hay dién s6 thich hop vao*
A. 167 B. 168 C. 169 D. 164

Hay dién s thich hop vao**
A. 10 B. 12 C.8 D. 13

Hiy dién s thich hop vao***
A. 3,9% B. 5,9% C. 13,9% D. 23,9%

Thdng ké diém mén todn trong mot ki thi ctia 400 em hoc sinh thdy c6 72 bai duoc diém 5. Hoi
gid tri tan suat clia gid tri x; =5 1
A. 2% B. 36% C. 18% D. 10%

Thong ké diém mén todn trong mot ki thi cia 500 em hoc sinh thiy s6 bai dugc diém 9 ti 1¢
2%. Hoi tan sb ctia gid tri xi =9 1a bao nhiéu?
A. 10 B. 20 C.30 D.5

Diéu tra thoi gian hoan thanh mot san phamciia 20 cong nhin, ngudi ta thu dwoc mau sd lidu
sau(thoi gian tinh bang phiit).
1012 131511131618 1921
2321151716152013 1611
C6 bao nhiéu gia tri khdc nhau trong miu s lidu trén
A. 10 B. 12 C.20 D. 23

Dé diéu tra vé dién nang tiéu thy trong 1 thang (tinh theo kw/h) ciia 1 khu chung cu ¢6 50 gia
dinh, nguoi ta dén 15 gia dinh va thu duogc mau sb liéu sau:
80 7535105110608371
94 102 36 78 130 120 96
C6 bao nhiéu gia dinh ti€u thudién trén 100 kw/h trong mdt thang
A. 3 B.4 C.5 D. 6
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Cau 80. Diém thi hoc ki 1 ctia 16p 10A dugc cho nhur bang sau:

Cau 81.

Cau 82.

Cau 83.

Cau 84.

8 | 6,5 7 5 5,5 8 [ 4] 5 7
8 | 4,5 10 7 8 6 | 9] 6 8
6 6 2,5 8 8 7 141 106
9 | 6,5 9 7.5 7 6 | 6 | 3 6
6 9 5,5 7 8 6 | 5 6 | 4
S cdc gid tri khac nhau cta dau hiéu cho & bang trén 1a
A. 14 B. 13 C.12 D. 11

Thong ké vé diém thi mon toan trong mot ki thi ctia 850 em hoc sinh. Nguoi ta thdy c6 105 bai
duogc diém 7. Hoi tan suat cha gid tri xi= 7 1a bao nhiéu?

A. 7% B. 12% C. 45% D. 50%
Tudi tho ctia 30 béng dén dugc thip thir. Hay dién s thich hop vao *
Tudi tho(gid) Tan s6 Tan suat(%)
1150 3 10
1160 6 20
1170 * 40
1180 6 *%
1190 3 10
Cong 30 100%
A. 3 B.6 C.9 D. 12
Hay dién s6 thich hop vao ** ¢ bang trén:
A. 10 B. 20 C. 30 D. 40
Khéi lugng cua 30 cu khoai tay thu hoach & mdt ndng truong:
Lop khéi lugng (gam) Tan s6
[70;80) 3
[80:;90) 6
[90;100) 12
[100;110) 6
[110;120) 3
Cong 30
Ménh d¢ nao diing:

B. tan s6 ctia 16p [80;90) 1a 85
D. s6 105 thugc 16p [100;110)

A. gid trj trung tam cua 16p [70;80)1a 83
C. tan s6 cta Iop [110;120)1a 5

Cho béng tin sb, tan suit ghép 16p nhu sau: ding cho: Cau 87, Cau 88, Cau 89

Doanh thu ctia 50 cira hang ciia mot cong ty trong mot thang ( dv: triéu dong)

STT Khoang Tan sb Tan suat %

1 26,5-48,5 2 4

2 48,5-70,5 8 16
3 70,5-92,5 12 24
4 92,5-114,5 12 24
5 114,5-136,5 16
6 136,5-158,5 7 otk
7 158,5-180,5 1 2

N = #%* 100%
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Cau 85. Hay dién s6 thich hop vao *
A. 6 B.7 C.8 D.9

Cau 86. Hay dién so thich hop vao **
A. 50 B. 70 C. 80 D. 100

Cau 87. Hiy dién so thich hop vao ***

A. 10 B. 12 C. 14 D. 16
Sir dung gia thiét sau cho cac cau 88, 89, 90:

Cho ciéc s liéu thong ké vé san lwong che thu dugc trong 1nim ( kg/sao) cia 20 ho gia dinh
111 112 112 113 114 114 115 114 115 116
112 113 113 114 115 114 116 117 113 115
Lap bang phéan bd tan so- tan suat.

Cau 88. Tim s trung binh
A. 111 B. 113,8 C. 113,6 D. 113,9

Cau 89. Tim s trung vi
A. M, =111 B. M, =116 C.M,=114 D. M, =117

Cau 90. Tim sb mbt
B. M,=111 B. M,=113 C. M, =114 D. M, =117

Sir dung gia thiét sau cho cac cau 91, 92, 93, 94, 95:

Dé khao sét két qua thi tuyén sinh mon Todn trong Ki thi tuyén sinh dai hoc nim vira qua cia
truong A, nguoi diéu tra chon mot mau gom 100 hoc sinh tham gia ki thi tuyén sinh d6. Diém
mon Toén (thang di€m 10) ctia cac hoc sinh nay dugc cho ¢ bang phan bo tan s6 sau day.

Piém |01 ]2|3]4]|5 |6 7] 8] 9]10
Tansd |1 |13 [5[813]19]24]14]10] 2 |N=100

Cau 91. Tim mdt

A. M,=17 B.M,=5 C.M,=8 D.M,=4
Cau 92. Tim s trung vi

A. M, =175 B. M,=6,5 C.M,=5,5 D.M,=6
Cau 93. Tim s trung binh

A. 6,25 B. 6,24 C. 6,23 D. 6,26
Cau 94. Tim phuong sai

A. 3,97 B. 3,99 C. 3,98 D. 3,96
Cau 95. Tim d0 léch chuan

A. 1,99 B. 1,98 C. 1,97 D. 1,96

Sir dung gia thiét sau cho cac cau 96, 97, 98:

Tién 1ai (nghin dong) trong 30 ngay dugc khao st & mot quay béan bdo.
81 3774 653163588267 776346305373

5144 529293538577 474257 57 8555 64

Hay lap bang phan bd tan so- tan suat ghép 16p theo:

[29.5;40.5),[40.5; 51.5),[51.5; 62.5),[62.5; 73.5),[73.5; 84.5),[84.5; 95.5]
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Cau 96. Tinh sd trung binh cong:

A. 63,23 B. 63,28 C. 63,27 D. 63,25
Cau 97. Tinh phuong sai:

A. 269,78 B. 279,78 C. 289,79 D. 279,75
Céu 98. Tinh do léch chuin

A. 16,76 B. 16,74 C. 16,73 D. 16,79

Cau 99. Cho miu s6 liéu gém bdn sd tu nhién khac nhau va khac 0, biét sd trung binh la 6 va $6 trung vi
la 5. Tim céc gi4 tri cia mau s liéu d6 sao cho hiéu cua gid tri 16n nhit va gid tri nho nhat cua
mau s lidu dat gid tri nho nht.

A. 3:4:6;11 B. 2:4;7;11 C. 3;5;6;11 D. 2:4;6;12

Cau 100. Thoi gian chay 50m cua 20 hoc sinh dugc ghi lai trong bang dudi day:

Thotgian | ¢ 3 | g4 | 85|87 | 8.8
(gidy)
Tan so 2 3 9 5 1
S trung binh cong thoi gian chay ciia hoc sinh 1a
A. 8,54 B.4 C. 8,50 D. 8,53
Cau 101. Diém kiém tra ctia 24 hoc sinh duoc ghi lai trong bang sau:
712 |13]|5]8]2
81581419 ]|6
61119367
316[6|7]12|9
Tim mdt cia diém diéu tra.
A. 2 B.7 C.6 D.9
Cau 102. S6 trai cam héi duoc tir 4 ciy cam trong vuon 132; 8; 12; 16. SO trung vi 1a
A. 5 B. 10 C. 14 D. 9,5

Sir dung gia thiét sau cho cac cau 103, 104:

Cho bang phan bé tan s khdi lugng 30 qua trimg ga clia mot ro triing ga:

Khdi lugng (g) Tan sO
25 3
30 5
35 10
40 6
45 4
50 2
Cong 30
Céu 103. Tim s trung vi.
A. 37,5 B. 40 C.35 D.75
Cau 104. Tim s6 mot.
A. 40 B. 35 C. 30 D. 25

Cau 105. C6 100 hoc sinh tham dy ki thi hoc sinh gioi Héa (thang diém 20). Két qua nhu sau:
Diém 9 10 | 11 12 | 13 14 | 15 16 | 17 | 18 19
Tansd | 1 [ 1 | 3 | 5 | 8 [ 13[19[24]14]10] 2
S6 trung binh Ia

A. x=15,20 B. x=15,21 C. x=15,23 D. x=15,25
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Cau 106. C6 100 hoc sinh tham dy ki thi hoc sinh gi6i Héa (thang diém 20). Két qua nhu sau:

Diém 9 10 11 12 13 14 15 16 17 18 19
Tanso | 1 | 1 3 5 8 13 [ 19 | 24 | 14 | 10 [ 2
S trung vi 1a

A. M, =15 B. M,=15,50 C.M, =16 D. M,=16,5

Cau 107. C6 100 hoc sinh tham dy ki thi hoc sinh gi6i Héa (thang diém 20). Két qua nhu sau:
Diém 9 10 11 12 13 14 15 16 17 18 19
Tanso | 1 1 [ 3 | 5| 8 | 13|19 ]24] 14 ] 10| 2
Phuong sai la

A. s2=3,95 B. s> =3,96 C. s> =397 D. dép s6 khéc

Cau 108. C6 100 hoc sinh tham dy ki thi hoc sinh gi6i Héa (thang diém 20). Két qua nhu sau:
Diém 9 10 11 12 13 14 15 16 17 18 19
Tans6 | 1 1 [ 3 | 5| 8 | 13]19]24]14]10] 2
Do 1éch chuan

A. s =197 B. s =198 C.s =196 D. s =199
Cau 109. Cho bang phan bé tan sb- tan suat ghép 16p khi do chiéu cao(cm) ctia 40 hoc sinh nam tai mot
truong THPT:
Lép Tén s Tan suat (%)

[141;146] 6 15.0

[147;152] 4 10.0

[153;158] 2 5.0

[159;164] 6 15.0

[165;170] 10 25.0

[171;176] 12 30.0

N =40

Chiéu cao trung binh 12
A. x=162,4 B. x=160,4 C. x=162,3 D. x=161,4

Sir dung gia thiét sau cho cac cau 110, 111, 112:

Chiéu cao cua 45 hoc sinh 16p 5 (tinh bang cm) dugc ghi lai nhu sau: (1ap bang ghép 16p:
[98; 103); [103; 108); [108; 113); [113; 118); [118; 123); [123; 128); [128; 133); [133; 138);
[138; 143); [143; 148])

102 | 102 | 113 | 138 | 111 | 109 | 98 | 114 | 101
103 | 127 | 118 | 111 | 130 | 124 | 115 | 122 | 126
107 | 134 | 108 | 118 | 122 | 99 | 109 | 106 | 109
104 | 122 | 133 | 124 | 108 | 102 | 130 | 107 | 114
147 | 104 | 141 | 103 | 108 | 118 | 113 | 138 | 112

Cau 110. S6 trung binh cong la
A. x=116,4 B. x=115,4 C. x=116,3 D. x=166,4

Cau 111. Phuong sai 1a
A. 5] =155,4 B. s> =151,4 C. s} =151,14 D. s> =152,4
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Cau 112. Do léch chuén 12
A. s =132 B.s =112 C.s =123 D.s =133

Sir dung gia thiét sau cho cac cau 113, 114, 115:

S tiét tu hoc tai nha trong 1 tuan (tiét/tudn) ctia 20 hoc sinh 16p 10 truong THPT A duoc ghi
lai nhu sau:
91511121612101414151613168911 10121818
Cau 113. S6 trung binh cong la
A. x=12,90 B. x=12,95 C. x=12,80 D. x=12,59

Cau 114. Phuong sai 1a
A. 57 =8,65 B. s’ =8,56 C. 5] =8,55 D. s> =8,66

Cau 115. Do léch chuén 12
A. s .=2,49 B. s, =2,99 C.s =294 D. s =2,90

Sir dung gia thiét sau cho cac cau 116, 117, 118, 119, 120, 121:
Diém trung binh kiém tra cua 2 nhém hoc sinh 16p 10 dwoc cho nhur sau:
Nhoém 1:(9 hoc sinh) 1,2,3,5,6,6,7,8,9
Nhom 2:(11 hoc sinh) 1,3,3,4,4,6,7,7,7,8, 10
Lap bang phan bd tan sb- tan suat ghép 16p: [1, 4] ; [5, 6] ; [7, 8] ; [9, 10] ctia 2 nhém:
Cau 116. Tinh s6 trung binh cong nhém 1.
A. x, =539 B. x, =5,93 C. x, =6,39 D. x, =6,93

1 1

Cau 117. Tinh s6 trung binh cong nhém 2.
A. x, =532 B. x, =523 C. x, =632 D. x, =623

Cau 118. Tinh phuong sai cia nhém 1.
A. s, =5,65 B. 5. =5,56 C. s> =5,55 D. s> =6,65

Cau 119. Tinh phuong sai cia nhém 2.
A. s,fz =6,39 B. s,fz =6,93 C. s22 =5,93 D. s22 =6,99

CAu 120. Tinh d6 1éch chuin ctia nhém 1.
A. s, =2,49 B.s, =2,83 C.s =2,88 D.s =238

Cau 121. Tinh d6 1éch chuin ctia nhém 2.
A. s,, =2,59 B.s, =2,63 C.s . =2,36 D. s, =2,66

Sir dung gia thiét sau cho cac cau 122, 123, 124:

Diém thi ctia 32 hoc sinh trong ki thi Tiéng Anh (thang diém 100) nhu sau:
68 79 65 85 52 81 55 65 49 42 68 66 56 57 65 72
69 60 50 63 74 88 78 95 41 87 61 72 59 47 90 74
Lap bang phan bd tan sd- tan suat ghép 19p:
[40;50); [50;60); [60;70);[70;80); [80;90); [90;100]

Cau 122. S6 diém trung binh 1a
A. x=66,88 B. x=68,68 C. x=88,66 D. x= 68,88
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Cau 123. S6 phuong sai 1a
A. s2=192,03 B. 52 =190,23 C. 52 =193,20 D. s> =192,23

Cau 124. Do léch chuén 12
A. s =17,39 B. s =19,73 C. s =13,79 D. s =17,97

Sir dung gia thiét sau cho cac cau 125, 126, 127:

Tién 1ai ( nghin ddng) trong 30 ngay dwoc khao sit & mot quay ban bio:
81 37 74 65 31 63 58 82 67 77 63 46 30 53 73
51 44 52 92 93 53 85 77 47 42 57 57 85 55 64
Lap bang phan bd tan sb- tan suat ghép 19p:

[29.5;40.5),[40.5; 51.5),[51.5; 62.5),[62.5; 73.5),[73.5; 84.5),[84.5; 95.5]

Cau 125. S6 trung binh cong la

A. x=62,33 B. x=63,23 C. x=66,23 D. x= 68,88
Cau 126. S6 phuong sai 1a

A. 52=279,78 B. 5> =297,78

C. si =299,78 D. si =229,78
Cau 127. Do léch chuén 12

A. s =16,73 B. s, =17,63

C. s =13,67 D. s, =16,37

Sir dung gia thiét sau cho cac cau 129, 130, 131, 132:

Sau mét thang gieo trong mdt giong hoa, nguoi ta thu dugc s6 liéu sau ve chi€u cao ( dvimm)
cua céc cay hoa dugc trong:

Nhém Chiéu cao S6 cay dat duoc
1 Tu 100 dén 199 20
2 Tu 200 dén 299 75
3 Tir 300 dén 399 70
4 Tu 400 dén 499 25
5 Tir 500 dén 599 10

Lap bang phéan bd tan sb- tan suat ghép 16p.
Cau 128. S6 trung binh cong la

A. x=315 B. x=351

C. x=531 D. x=135
Cau 129. Phuong sai 1a

A. si =9757 B. si =9775

C. si =9577 D. si =7957
Cau 130. Do léch chuén 12

A. s =78,98 B. s, =97,88

C. s, =89,78 D. s, =98,87
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Sir dung gia thiét sau cho cic cau 133, 134:

Tién cong nhat ctia 65 nhan vién trong xi nghiép tu nhan duoc thong ké nhu sau(dv:ngan dong)

Céc 16p tién lwong S6 nhan vién
[50;60) 8
[60;70) 10
[70;80) 16
[80;90) 14
[90;100) 10
[100;110) 5
[110;120) 2
Lap bang phan bd tan sb- tan suat ghép 10p.
Cau 131. Tién cong trung binh 1a
A. x=79,77 B. x=77,97 C. x=97,97 D. x=99,77
Cau 132. Phuong sai 1a
A. s7=2343 B. 52 =243,2 C. s> =442,2 D. 52 =324,2
Cau 133. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ciia 30 gia dinh ¢ khu phd X.
Nguoi ta thu dugc mau s liéu sau:
80 8 65 65 50 45 100 45 100 70
100 100 8 70 65 8 50 90 120 160
40 70 65 45 8 100 8 100 75 50
C6 bao nhiéu gia dinh tiéu thy dudi 60 kw/h mot thing?
A.5 B.7 C.9 D. 11
Cau 134. Thong ké diém thi todn trong mot ki thi ctia 400 em hoc sinh. Nguoi ta thiy c¢6 72 bai diém 5.
Hoi tan suat cia gid tri x, = 5 la bao nhidu?
A. 72% B. 36% C. 18% D. 26%
Cau 135. Thong ké diém thi todn trong mot ki thi ciia 400 em hoc sinh. Nguoi ta thiy c6 sb bai diém 10
chiém ti 18 2,5%. Hoi tan sb ctia gid trj x ; = 10 1a bao nhiéu?
A. 10 B. 20 C. 30 D. 40
Cau 136. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ctia 30 gia dinh & khu phd X.
Nguoi ta thu dugc mau s liéu sau:
80 8 65 65 50 45 100 45 100 70
100 100 8 70 65 8 50 90 120 160
40 70 65 45 8 100 8 100 75 50
C6 bao nhiéu gia tri khdc nhau trong miu sb lidu thong ké trén:
A. 12 B. 24 C.36 D. 80
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Cau 137. Dé diéu tra vé dién ning tiéu thy trong mot thang (tinh theo kw/h) ctia 30 gia dinh & khu phd X.
Nguoi ta thu dugc mau sb liéu sau:

80 85 65 65 50 45 100 45 100 70
100 100 80 70 65 80 50 90 120 160
40 70 65 45 85 100 85 100 75 50

Kich thuéc mau 13 bao nhiéu
A. 30 B. 60 C. 90 D. 120

Biéu dd tan s6 hinh cot ctia chiéu cao ciia 36 hgc sunh (cm) nhwr sau (Dung cho cac cau (115, 116, 117)

n, tn

—

14

12
10

v

0
160 162 163 165 166 168 169 171 172 174

Cau 138. C6 bao nhiéu hoc sinh c6 chidu cao nam trong khoang [166cm; 168cm]?

A.6 B. 8 C. 10 D. 12
Cau 139. C6 bao nhiéu hoc sinh c6 chidu cao nam trong khoang [160cm; 168cm]?
A.6 B. 12 C. 10 D. 28
Cau 140. Tan suat cta 1p [163; 165] 1a
A. 12 % B. 33,3 % C.50 % D. Mot dap s6 khac

Biéu do hinh quat théng ké gia tri xuit khiu ciia mdt nwéce cho béi hinh dwéi diy (Ding cho ciu

118, 119, 120):
\ssir

Than
da
Nhom
Céu 141. Nguyén liéu xuat khau nhiéu nhit:
A. Sét B. than d4 C. nhém D. thép

Céu 142. Cho biét gid tri xuat khau cua sit 12 200 triéu USD. Gid trj xuat khau cta than d4 1a
A. 200 triéu USD B. 400 triéu USD C. 500 triéu USD D. 100 triéu USD

Céu 143. Cho biét gid tri xuat khiu cua than d4 1 600 triéu USD. Gi4 tri xut khdu ctia nhom Ia
A. 300 triéu USD B. 200 triéu USD C. 150 triéu USD D. 600 triéu USD
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Cau 144. Mot diéu tra xa ho1 hoc cho biét do tudi cta nguoi thich nhac ¢6 dién nhu sau:
Nhém Khoang diém Tan sb
1 [20;29] 7
2 [30;39] 13
3 [40;49 ] 15
4 [50;59] 25
5 [ 60; 69 ] 10
Tudi trung binh 1a
A. 53,25 B. 49,5 C. 47,01 D. 50,27
Cho bang phan b6 tan s6 sau: Chiéu cao (cm) ciia 50 hoc sinh (Dung cho cac cau 122, 123, 124).
Chiéu cao X, 152 156 160 164 168 Cong
Tansb n, 5 10 20 5 10 50
Cau 145. S6 trung binh cong ctia bang phan b tan sd 1a
A. 152 B. 156 C. 160 D. 1604
Cau 146. Mot ctiabang phan bd tan s6 1a
A. 152 B. 156 C. 160 D. 164 va 168
Cau 147. S6 trung vi cia bang phan bd tan s 1a
A. 160 B. 156 C. 152 D. 158
Cho bing phan bd tin sé sau: C& 40 ban ra tai mét cira hang trong mét thang ((Dung cho cac ciu
125, 126, 127):
Co do x, 36 37 38 39 40 41 42 Cong
Sb 4o ban dwocn, | 13 45 110 | 184 | 126 | 40 5 523
Cau 148. S6 trung binh cong ctia bang phan b tan s6 1a
A. 38,97 B. 37,97 C. 40,97 D. 39
Cau 149. Mot ctiabang phan bd tan s6 1a
A. 37 B. 38 C. 39 D. 40
Cau 150. S6 trung vi cia bang phan bd tan s 1a
A. 38,97 B. 38 C. 39 D. 40
Cau 151. Cho bang phin bd tan suit ghép 16p:

Cau 152.

Cau 153.

L6p cdc gid tri x [10;12) | [12;14) [14; 16] Cong
Tansb n, 10 25 65 100%

S6 trung binh cong 1a
A. 13 B. 14 C.15 D. 14,1

Nguoi ta xdc dinh cAn nang cta 10 em hoc sinh va xép yheo thir ty ting dan. SO trung vi cAn
nang cua 10 hoc sinh cho boi sO liéu nay la

A. Khéi lugng cua hoc sinh thir ndm

B. Khéi lugng ciia hoc sinh thir séu

C. Khdng tim dugc sO trung vi

D. Khéi lugng trung binh ciia hoc sinh thir nim va thir séu

Do léch chuan I
A. Binh phuong ctia phuong sai B. Mét nira cuia phuong sai
C. Cin s6 hoc béc hai ctia phuong sai D. Ti s6 cua phuong sai vakich thudc miu
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Bang so liéu sau day cho ta lii hang thang ciia mét ciia hang nim 2005 (don vi triéu dong) (Dung
cho cac cau 131, 132, 133)

Théang | 1 2 3 4 5 6 7 8 9 10 | 11 12
Lai 12 | 15 18 13 13 16 | 18 19 | 15 17 | 20 | 17

Céu 154. S trung binh ctia mau sd liéu trén 1a
A. 15,67 B. 15 C.16 D. 17

Cau 155. S trung vi cia miu sb lidu trén 1a
A. 15 B. 16,67 C.16 D. 17

Céu 156. Phuong sai ciia mau sd liéu trén 1a
A. 121,98 B. 11,04 C. 48,39 D. 140,21

Thoi gian hoan thanh mét san phim ciia 45 cong nhan dwoc cho trong bang sau (Ding cho cic ciu
134, 135, 136):

124 134 152 104 162 104 125 135 140
112 151 126 142 129 117 138 128 143
119 125 141 134 138 129 115 146 134
153 100 108 124 109 138 107 112 111
109 154 123 108 106 142 106 108 119

Cau 157. S6 trung binh Ia

A. 1243 B. 125,3 C. 126,3 D. 127,3
Cau 158. D6 léch chuan bang
A. 15,15 B. 16,15 C. 17,15 D. 18,15

Két qua thi hoc sinh giéi ciia 100 hoc sinh (thang diém 20) dwoc cho trong bing sau (Dung cho cic
cau 136, 137, 138):

Diém 9 10 11 12 13 14 15 16 | 17 18 19
Tan sd 1 1 3 5 8 13 19 24 14 10 2

Céu 159. Trung binh ctia miu la
A. 15 B. 15,23 C. 155 D. 16

Cau 160. S6 trung vi ciia miu 1a
A. 14,23 B. 15,28 C. 155 D. 16,5

Cau 161. Mt ctia miu Ia
A. 19 B.9 C. 16 D. 15,5
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E. DAP AN TRAC NGHIEM

PHAN C. CAU HOI TRAC NGHIEM

1121345167 [8]91(10]11]12]13]14]15]16[17|18]19]20
D/ B/D/ D/ DI DIDIAID/IAJA|D|D|C|C|B|C|B|D|D

2122123124 (25|26|27 (28|29 30|31 |32|33|34|35|36|37|38]39 40
A/D/B|]C]CcC|]C]B|]C|]C|ID/IAB|]C|B|]C|D|D|DJCJA

41 142 |43 (44 145146 |47 148149 50|51 |52 5354|5556 5758|5960
DI B|IC|IAIDICIC|IA/A/AIBIAIAIAIAIAIAAIAA

61626364 |65|66|67 6869|7071 |72 73|74 |75|76|77 78|79 |80
BIDIC|]C|]C]A]J]A|C]A

PHAN D. CAU HOI TRAC NGHIEM TU LUYEN

1121314516 7[8]9(10]11]12]13]14]15]16|17|18]19]20
B|D|]C|D/D]C|]C|]D|]A]C|]C|D|B|]C|]C|D|B|JA|C

2122123124 (25|26|27 (2829|3031 |32|33|34|35|36|37|38|39 40
D/A|/IC/B|C|DIB|/AIB|C|CJ]A|JA|J]C|]C|C|D|C|C]|D

41 142 |43 (44 145146 |47 148149 50|51 |52 5354|5556 |57|58]59 |60
DI C/I/A|/B/AJIA|B/DIAJC|B|DIDIAJC|B|BJAJA]|C

61 626364656667 6869|7071 |72 73|74 7576777879 |80
A/A/A/D/ D/ B|/B|BIBI/A/IB|C/BIA|J]C|]C]J]A|B|C]|B

8182|8384 85/86|8788/89(9091]92]93/94|95|96|97|98 99 100
B|IDB|D|C|]A|]C|D|]C|]C|]A|B|]C|/D/AJA/B|]C]A|D

101/102/103|104|105/106/107|108|109|110|111|112|113|114|115|116/117|118|119/120
C|IB|C]A|]C|B|B|ID|/AJ]A|B]C|B]A|]C|]A|/B|]A|B|D

121|122|123|124|125|126|127|128|129|130|131|132|133|134/135|136/137|138|139/140
BIA|B|C|B|A|A|A|B|D|A|B|B|C|]A|]A]A|C|D|B

141/142|143|144|145|146|147|148|149|150|151|152|153|154/155|156|157|158|159/160
B|B|]C|]C|D|C|]AJ]A|]C|C|D/ D|C|]A D/ A|C|B|B|C

161]162/163|164|165/166|167|168169(170|171|172|173|174|175/176|177|178179|180
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Chii dé CONG THUC LUGNG GIAC

I. Gid trilugng gidc clia géc (cung) lugng gidc
1. Dinh nghia cdc gid tri leyng gidc

Cho (OA,OM )=« . Gia s M (x; y). cotang

sin

%2

\ tang
~

L4 COSC¥=X=O_H

~ 1%

. sina:y:O_K

sin .
® tana = cosin

AT | azZ+kn
cosa 2

[
® cota=

2 Nhdn xét:
e Va,-1<cosa<l; —-1<sina<1

. tanaxdccﬁnhkhia¢§+k7r,kez e cota xdc dinhkhi a@#kx. ke Z

2. Dau cia cac gia tri kong giac | “Nhat ca, nhi sin, tam tan, tir cos”
Géc sin

HSLC @ 1) () v
sin + + - - I | M
cos + - - + @ y cos
tan + - + -
cot + - + -
3. Mot a6 i y:

0
@ Quan hé giita @6 va radian:1° =% (rad) va 1(rad) = (@J
T

@ Véi m=3,14 thi 1°=0,0175 (rad), va 1(rad)=57°17'45"

® bé dai l cia cung tron co 56 do a(rad), ban kinh R la | = Ro .
b
@ S6 do ciia cdc cung lwong gidc c¢é diém dau A, diém cudila B: sd AB=a+k2m ke 7
b
® Moi cung luong gidc CD vmg véi mét goc luong gidc (OC, OD) va nguoc lgi.

IT.Cung lién két ““Cos déi, sin bu, phu chéo, khdc rtan”]
e Cung déi nhau: o va —o

sin(-a)=- sinx cos(—a) =cos tan(-a)=-tana cot(-&) =—cota
e Cung hon kém k2rx

sin(a+k27z)=sina cos(a+k27)=cos tan (@ +k27) =tan cot(a+k27x) =cotax
e Cung bu: mava a

sin(7—a)=sina cos(m—a)=—cosa tan(7—a)=—tan cot(7—a)=—coter

e Cungkhdic 7w : 7+ va a

sin(7+a)=-sina cos(7+a)=-cosax tan(7+a)=tan cot(7+a)=cotr
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e Cung hon kém %:

(7 V4 . V4 T
sin| =+ a |=cosa cos| —+a |=—sina tan| =+ o |=—cota cot| —+a |=—tan
(5+] (5+2] 5] (5]
T N
e Cung phu E—a va o:
(7 V4 . V4 V4
sin| =—a |=cosa cos| =——a |=sina tan| — —a |=cota cot| ——a |=tan
[2 j (2 j [2 j [2 j
III.Cdc gid tri lugng gidc clia mdt s8 géc (cung) ddc biét
Do 0° 30° 45° 60° 90° 120° 135° 150° 180°
Rad | 0 z |z T
6 4
sin 0 l ﬁ 0
2 2
cos 1 ﬁ ﬁ -1
2 2
tan 0 ﬁ 0
3
cot | NE) [

IV.Cdng thic lugng gidc:
o Hé thitc co’ ban:

. sin x
1) sin*x+cos’x=1 2) tanx.cotx=1 3) tanx=
COs X
COS X
4) cotx=— 5) l+tan’x=— 6) 1+cot’ x=—:;
sin x cos” x sin” x
o Cing thit cona:

7) sin(a +b) =sina.cosb+cosa.sinb
(

9) cos a+b):cosa.cosb—sina.sinb

8) sin(a—b) =sina.cosb — cosa.sinb
10) cos(a —b):cosa.cosb+sina.sinb

11) tan(a+b)=_20aF @0 12) tan (a - p) = MG~ tanb
l1-tana.tanb 1+ tana.tanb
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ong thit nhdn hai:

13) sin2a=2sina.cosa 15)tan2a =

2tana

1-tan’a

2 —
16) cot2q =L 4= 1
2cota

14) cos2a:0032a—sinza:2cosza—1:1—2sin2a:cos4a—sin4a:(cosa—sina)(cosa+sina)

Cong thitt nhdn ba: (chirng minh trudce khi ding)
17) sin3a =3sina —4sin’a
3tana —tan’a

19)tan3a =
) 1-3tan’a

M‘ thitc ha bdc:
_1—-cos2a

21) sin*a= 22) cos’a=

2

25) sina.cosb:%[sin(a+b)+sin(a—b)]

27) cosa.cosb :%[cos(a+b)+cos(a—b)]

_l+cos2a

18) cos3a=4cos’ a—3cosa

2 p—
20) cot3a:M
cot”a—3cota
23) tanzazM 24)cot2azm
1+ cos2a 1—cos2a

26) cosa.sinb:%[sin(a+b)—sin(a—b)]

28) sina.sinb:—%[cos(a+b)—cos(a—b)]

Cong thitt bién doi tong thanh tich: (Cdc cong thire 33-36 phai chitng minh)

29) sina+sinb:2sina+bcosa_b

31) cosa+cosb:2cosa+bcosa_b
sin(a+b)

33) tana+tanb=——-
cosa.cosb
sin(b+a)

35) cota+cothb=————=
sina.sinb

Mot 86 hé qua:

37) sinacosa :%sin2a

39) l+coska:2coszk—2a
k ka )’
41) 1+sinka = sin—a+cos—a
2 2
. . T
43) sinx+cosx= 2SIH(X+ZJ

45) cosx+sinx= 2cos(x—%j

30) sina—sinb:2cosa+bsina_b

32) cosa—cosb:—2sina+bsina_b
sin(a—b)

34) tana—tanb=——=
cosa.cosb
sin(b—a)

36) cota—cothb=———
sina.sinb

38) sinzacosza:%sin2 2a
) ka
40) 1—coska =2sin 7
k ka )’
42) 1—sinka = sin—a—cos—a
2 2

44) sin x —cosx = \/Esin(x —%j

46) cosx—sinx = 2cos(x+%j

47) sin® x+cos* x=1-2sin? xcos® x =1 —%sin2 2x :%+%cos4x

48) sin® x+cos6x=1-3sin* xcos’ x:l—%sin2 2x:%+§cos4x
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Van dé 1. GOC VA CUNG LUQNG GIAC

Dang 1. Méi lién hé giita dé va rad

an an an

DA XA

A. PHUONG PHAP GIAI

180.c .
® Dung cong thirc |a = hodc o =24
/4 180
Trong do : a : 1a s6 do bang dé ciia géc hodc cung

a : 56 do bang rad ciia géc hodc cung
o C61thé dung mdy tinh bo tii dé asi don vi do dwoc nhanh hon.

B. CAC Vi DU

VD 1.1 Ddisb do cua cac cung sau sang radian: 54°, 30°45", 30°, 45°, —60°, 90°, —120°, —210°.

VD 1.2 Dmsodocuacaccungsausangdo % 3—”,—2—75,—5—”,4—”,—5—”1 47[ 05,34 2,34x

4 3 4 3 6 18 3

C. BAI TAP AP DUNG

1.1 Doisd do cta céc gbe sau ra radian:
a) 15° b) 12°30° c) 22°30 d) 71°52’

1.2 Doi so do cia céc cung sau ra d9, phut, gidy:

Sx RY/4
— b) 1 — d
a) 6 ) c) 16 )

I NG R)
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Dang 2. Cdc bdi todn lién quan dén géc (cung) lupng gidc

a_n
DA XA

A. PHUONG PHAP GIAI

* S6 do tong qudt ciia cung lwong gidc 6 dang: a+k2x, (ke Z)

e Cho géc cé s6 do B tiy ¥ ta luon dwa vé duoc dang a+k2x, (ke 7). Trong dé6 -t <a<mw
Khi do |a| con duoc goi la 6 do hinh hoc cua goéc.

e Néu cho géc (cung) cé s6 do B, muon xem né cé phdi la sé do ciia mot géc (cung) cé s6 do tong
qudt trén hay khong, ta giai phuong trinh f=a+k2x timk trén tdp 7.

e Néu hai géc (cung) lwong gidc X =0, +m2xr va x,=0a,+n2x khi biéu dién trén dwong tron

liong gidc cé diém cudi trimg nhau khi va chi khi X, — X, =k27m c6 nghiém voi m,n, ke 7.

B. CAC Vi DU

VD 1.3  Tim s do hinh hoc cta géc: a) x = 107” b) y=-2345°

VD 1.4 Trén dudng tron luong gidc véi diém A(1;0) 1a gbc, xdc dinh vi trf tia OM coa géc luong

gidc @ =(0A, OM ) trong cic truong hop sau: @ =-750°, @ =120°, o = 777[, a= —8?7[ :

VD 1.5 Cho diém B trén duong tron luong gidc véi g 1a diém A(1;0) sao cho (OA, OB)=60°.
Tim thém 3 géc lugng gidc (OA, OB) c6 gié tri duong va 3 géc luong gidc (OA, OB) c6 gid tri Am.
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A \ N IPRPYY £ p e o X 3im mxr .z
VD 1.6 Trén dudng tron lugng gidc ¢ diem goc A cic cung lugng gidc c6 s6 do —, ry c6 diém

cudi tring nhau hay khong ?

VD1.7 Cho x:—%+kﬁ (ke Z). Tim cac goc (cung) x théa O<x< 7w

C. BAI TAP AP DUNG

1.3 Cho sd (Ox, Oy)=%+kp (ke Z)

637

a) Tinh k dé sd (Ox, Oy)=- :

b) Gid trj —6%” ¢6 phai 1a mot s do cita (Ox, Oy) khong ? Tai sao ?

1.4 Cho sd(Ox, Oy)=33°20"+£k360° VOi ke Z.
a) Pinh k dé sd(Ox, Oy) lan lugt 1a 1113°20" va —686°40.
b) Gid tri 946°40" c6 phai 1a sd(Ox, Oy) khong ? Tai sao ?

1.5 Cho x =§+ k27 (ke Z). Tim c4c gbc (cung) x thdéa mdt cac diéu kién sau:

) —F<x<” b) L<x<ar €) —2<x<3
2 4 2

Dang 3. Dung cac ngon cung lgng gidc trén ducng tron 1

DA

A. PHUONG PHAP GIAI

b
® Biéu dien cung luong gidc AM trén duong tron luong gidc, tirc la di xdc dinh diém

cudi Mo, My, M, ... ciia cung dé trén dwong tron lwong gidc. Ta cé thé lp bang:
k e | 32| -1 0 1 2 3 4

Aj’w Ms | Mo | M| Mo | My | Mo | M; | My
b k27 o ~ ,
o Chiiy: Cung AM =a+—— thi sé biéu dién duoc diing n diém

n
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B. CAC Vi DU

2 r b
VD 1.8 Trén dudng tron luzong gidc c6 gbc A . Hiy x4c dinh cic diém M biét cung luong gidc AM c6
6 do: ko AL KEL 2 k— (ke Z)
2 4 3

VD 1.9 Biéu dién céc cung lwong gidc c6 sd do trén duong tron lugng gidc, tir d6 tim cong thirc s6 do

chung cta cac cung doé: E+kﬂ' Iz, Z+m (k,l,me Z)

VD 1.10 Tim cong thirc tinh s6 do cua cdc cung luong gidc, biét s do cia chiing théa man céc diéu

x—£+k£ x—£+k£
kiénsau, voi:a) s~ 3 3(k,meZ)b)| 3 = 3(k,meZ)
XEmmw XEmmw

C. BAI TAP AP DUNG

1.6 Trén duong tron lugng gidc goc A, dung diém cudi cdc cung lugng gidc ¢6 s do (ke Z):
b b

a) AM—%+I<2?7Z b) AM:7r+k% ¢) AM =60°+k120°
A b b o
d) AM :Z+k§ e) AM =-150°+k.90° H AM :g'i'kE
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. . 11
1.7 Trén dudng tron lugng gidc, bi€u dién cic cung c6 sb do: 377[; -60°; -315°; —577[; Tﬂ.

Tim cdc ngon cung trung nhau, tai sao ?

b b
) 2 )
1.8 Trén dudng tron dinh hudng, cho ba diem A, M, N sao cho sd AM :—Z, sd AN :—37[ .Goi P la

b
dieém thudc duong tron d6 dé tam gidc MNP la tam gidc can tai P. Hay tim sd AP .

1.9 Tim cdng thtc tinh s6 do cua céc cung lugng gidc, biet so do cua ching thoa man céc dieu kién sau,
voi (k,me Z):

x=kr x=krx x=kmx

a) T b) T c) T
X=—+4mrx x=m— xX=m—

2 3 3

an an an

DA

Dang 4. Do ddai clia mét cung tron

A. PHUONG PHAP GIAI

Trong do: R: bdn kinh dwong tron
a: s6 do bang rad cia cung
l: do dai cung
e Chii y: Ap dung vao cdc bai todn cé lién qua dén thuc té

® Diing cong thirc / l

B. CAC Vi DU

VD 1.11 Trén dudng tron ¢ ban kinh bang 20cm , tim d6 dai cta céc cung c6 sé do sau:

15°; 25°; 3?” . 2,45 (tinh chinh xdc dén hang phan ngan)

VD 1.12 Hai ngudi sd & trén cing mdt kinh tuyén, 1an lugt & 25° vi nam va 10° vi d6 nam. Tinh
khoang cich theo dudng chim bay gitra hai ngudi d6. Biét ban kinh cua Trdi Dat 1a 6378 km.
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C. BAI TAP AP DUNG

1.10 Baénh xe ctia nguoi di xe dap quay dugc 11 vong trong 5 gidy.
a) Tinh géc (d0 va rad) ma banh xe quay dugc trong 1 gidy.
b) Tinh d6 dai quang dudng ma nguoi di xe da di dugc trong 1 phiit, biét rang dudng kinh banh xe
dap 1a 680mm .
1.11 Mot xe 6td biét banh xe c6 duong kinh 120 cm . Néu xe d6 chay duoc 100 km thi banh xe quay
dugc bao nhiéu vong ?
1.12 Mot chiéc dong hd ¢6 kim gio dai 2,1m ; kim phiit dai 2,5m .
a) Hoi sau 45 phit miii kim gid, miii kim phit vach nén dugc cic cung tron c6 d§ dai bao nhiéu
mét?
b) Gia sir hai kim cling xuat phat cting vi tri khi tia Ox chi s6 12. Hoi sau bao l4u thi hai kim triing
nhau 1an 1? triing nhau lan 2 ?

Dang 5. Tinh cdc gia tri luong gidc ciia mot cung khi
biét mgt gic. tri epng gidc ciia né

DA

A. PHUONG PHAP GIAI

* Sirdung 6 hé thirc co ban da néu trong phan tém tdt Ii thuyét.
o Chii y sir dung bang ddu ciia ham sé heong gidc dé loai di nhitng gid tri khéng hop Ii.

B. CAC Vi DU

VD 1.13 Cho sina=—§,(75<a<3§j.Tl’nh cosa, tana va cot

. .2 + . _2 2
VD 1.14 Cho tana = —2 . Tinh: a) A:281na+3COSCL’ b) B:SIH a+smocosa cos"

3sina—2cos 1+4sin’
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C. BAI TAP AP DUNG

1.13 Tinh céc gid tri lvgng gidc cua cung o biét:

a) sinOt:l b) cosa'zi va —£<a<0
3 NG
¢) tana=-2 vé%<0{<ﬂ' d) cota=3 véﬂ'<a<3§
e) sina=0,8 vé§<a<ﬂ' f) taner=3 va 180° <a <270°
3 T 2
g) cosa':Tva —E<a<0—5<oc<0 h) cota:§ va 0°<a<90°

1.14 Cho sinx+cosx=m v6i 90° < x <180°. Tinh theo m :
a) sin x.cos x b) sinx—cosx ¢) sin® x+cos’ x
d) sin* x+cos* x e) sin® x+cos® x f) tan® x+cot? x
1.15 Cho sin x.cosx =n. Tinh theo n:

a) sin x.cos x b) sinx—cosx ¢) sin® x+cos’ x
d) sin* x+cos* x e) sin® x+cos® x f) tan® x+cot? x
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1.16 Cho tan x —cot x=m . Tinh theo m :
a) |tan x+cot x b) tan® x+cot? x ¢) tan® x—cot’ x

117 ) Cho tanx=— 2 va 90°<x<180°. Tinh A= 2S1¥*C0SX

cosx—3sin x
2sin x+3cosx

b) Cho tanx=-2.Tinh B=— )
3sinx—2cosx

_tanx+cotx

¢) Cho sinx=—.Tinh C

W | =

tan x —cot x

sin® x+ 3sin x.cos x —2cos” x
1+4sin? x

_ 3sin’ x—2sin x+cos x

d) Cho cotx=-3.Tinh D=

.Tinh E

e) Cho tanx = 3 - >
cos” x+2sin x.cos” x

| —

1+tan x
l—tanx
cotx+tan x

f) Cho cosa:—g va 180°< x<270°. Tinh F =

o) Cho sin@=> va 0<x<” . Tinh G = .
5 2 cotx—tan x

sin? x+ 2sin x.cos x —2cos’ x

h) Cho tanx=-3.Tinh H =—— - >
2sin” x—3sin x.cos x +4cos” x

Dang 6. it gon-Chithg minh

an an an

DA

A. PHUONG PHAP GIAI

* Sir dung linh hoat cdc cong thirc cé ban tir I dén 6, cdc phép bién doi dai
$0, sir dung cdc hang dang thire ddng nhé dé riit gon va chirng minh.

B. CAC Vi DU

VD 1.16 Chiing minh:

a) 3(sin4x+cos4x)—2(sin6x+cos6x)=1 b) — —cot* x= ‘2 -1
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VD 1.17 Ching minh gid trj cdc biéu thirc sau khéng phu thudc vao gid tri ciia x:
a) A=cos" x(2cos2 x—3)+sin4 x(2sin2 x—3) b) B= 3(sin8 x—cos® )c)+4(cos6 x—2sin® )c)+6sin4 X

VD 1.18 Chiing minh:
tan® x —sin” x 6 b) \/1+cosx \/1—cosx

a) ———————=tan x =-2cotx, (T<x<2x)

cot” x—cos’ x l1-cosx V1+cosx
1+sin’ & . .

c) 1,—2:1+2tan2a'. d) cos” x(cos® x+2sin” x+sin’ xtan’ x) =1
—sin’ &
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C. BAI TAP AP DUNG

1.18 Rut gon cic biéu thirc lugng gidc sau:
2cos” x—1

A=———

sin x +cos x

COS X

C=tanx+ -
1+sinx

E

(1+sin x)tan® x(1-sin x)
G = (cot x+tan x)’ — (tan x —cot x)’

1 =(1—sin2 x)c0t2x+1—cot2x
K:\/1+s%nx_\/1—s%nx (0<x<zj
1—sinx 1+sinx 2

M= \/sinz x(1+cot x)+cos® x(1+tan x)

2cos? x—1

(3” <x< Zn'j
cosx—+/tan> x—sin’x \ 2

P=

_sinx+tanx

B —sin x.cos x

tan x

cos x.tan x
D == .2
sin” x

—cos x.cotx

sin®x  cos®x

F=1- —
1+cotx 1+tanx

H =sin’ x(1+cotx)+cos’ x(1+tan x)

cos® x—sin® x
F=- 4 4 ) -1
sin* x+cos* x—sin” x
1
L= (r<x<2m)

sin x —+/cot” x —cos” x
2
B 1+cosx{1_(1—cosx) }

N

sin x sin’ x
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1.19 Ching minh céc dang thirc lugng gidc sau:
a) sin® x+cos* x =1-2sin” x.cos” x b) sin® x+cos® x =1-3sin” x.cos” x
c¢) tan’ x—sin” x = tan” x.sin” x d) cot? x—cos® x = cot” x.cos” x

cot? x—sin® x

e) sin* x—cos* x=2sin* x—1 f) - — =sin’ x.cos’ x
cot" x—tan” x
l-sinx cosx tanx sinx
g) — - h) ——— =COS X
cosx l+sinx sinx cotx
i tan x cotzx—l_1 i sinx+cosx—1 _ cosx
l-tan’x cotx sinx—cosx+1 1+4sinx
tan x + tan 1+sin’® x
K) tan . tan y = ot 1Y D X 4 2 tan’ x
cotx+coty I1—sin” x
1+2sinx.cosx tanx+1 1-2cos” x ) )
m) 3 7 = l’l) ﬁ:tan x—cot™ x
sinx—cos’x tanx—1 sin® x.cos” x
oS X 1 tan’ x—tan” y sin’ x—sin’y
0) ——+tanx = p) > R
1+sinx COS X tan’ x.tan’ y  sin’ x.sin’ y
i l+tan’x 1 9 sinx+cosx—1_ 2cosx
l-tan*x cos® x—sin®x 1—cosx sin x—cos x+1
cos x+sin x s 5 sin x COS X 1+cot® x
$) —————=tan" x+tan" x+tanx+1 t) — - — = >
cos® x sinx4+cosx cosx—sinx 1—cot’x
2
1—cos”® x 1 l+sinx [l-sinx 5
u) —— 5 —+tanx.cotx= > V) — — - =4tan” x
1—sin” x cos” x 1—sinx 1+sinx
sin” x sin x + cos x

) 1 1
- - > =sinx+cosx X) |l+tanx+ 1+tan x— =2tan x
sinx—cosx  tan” x—1 COS X COS X

y) sin® x.tan x+cos’ x.cot x +2sin x.cos x = tan x +cot x
z) 1+sinx+cosx+tanx =(1+cosx)(1+ tan x)
1.20 Chirng minh ring gid trj cta cic biéu thirc sau khong phu thudc vao gid tri cia X, y:
a) (cotx+tanx)” —(cotx — tan x)’ b) cos’ x.cot’ x+3cos” x—cot” x+2sin’ x
C) 2(sin6 x+cos’ x) - 3(sin4 x+cos’ x) d) 3(sin8 x —cos® x)+ 4(cos6 x—2sin® x)+ 6sin’ x
e) 2cos’ x—sin* x+sin® x.cos® x+3sin* x
f) 2(sin4 x+cos® x+sin’ x.cos’ x)2 - (sin8 x +cos® x)
g) sin® x(1+cot x)+cos’ x(1-tan x)

h) sin® x+cos® x—2sin* x —cos* x+sin’ x
i) sin®x.tan’ x+2sin” x —tan® x+cos* x

i) sin x++/sin® x+cos® x.sin’ x, 7 < x < 27

cot’ x—cos® x  sinx.cosx
k) +

cot? x cot x
1) sin* x+4cos? x ++/cos* x+4sin? x
2 cotx+1
+
tanx—1 cotx—1

m)

- .8 8 - 4 4 <2 2 - 4 4
n) sin® x+cos x+6sin” x.cos” x+4sin” x.cos x(sm X+ cos x)+1
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Dang ¢. (Cac dang toan khadc

DA XA

A. PHUONG PHAP GIAI

e Tinh gid tri lwong gidc ciia mét cung (goc) cé sé do khd lom ta thuong bién déi chiing vé
dang x=a+ k27 hodc x=a°+k360° roi sau dé dp dung:

“o Vi a+k2x 6 diém ngon trimg nhau nén cé gid tri lwong gidc nhw nhau”

o Xét ddu mét biéu thirc leong gid la ta biéu dién diém cudi cia cung leong gidc dé lén
dwong tron lwong gidc roi xem né thudc géc phan tw thir may dé suy ra dau (ding bang
xét dau trong phan tém tat Ii thuyét) ciia n.

B. CAC Vi DU

VD 1.19 Tinh gid tri ciia géc (cung) lugng gidc sau:
205°; 1575°; 750°; 510°; 2%, 1z 107 177
3 6 3 3

1 1 17

25 | _1575° | 750° 510° 57 Hz ) _10z 7
3 6 3 3

sin

COS

tan

cot

VD 1.20 Tinh gid tri lwong gidc cua cac géc sau véi k nguyén duong: a) —§+ (2k+1)7 b) %+ kx

GV. Tran QuécNghia




CHUONG 6: CONG THOC LUONG GIAC TAI LIEU HOC TAP TOAN 10

VD 1.21 Xét diu cic biéu thic sau:

17
a) sin156°; cos(—80°); tan(—?ﬁj; tan 556°
b) s1n(a'+—j, cos(a—%), tan(a'——j voi O<a<—

C. BAI TAP AP DUNG

1.21 Tinh sine va cosa biét:

17 17
a) @=-675° b) a=-390° 0) a:—T” d) a:T”
1.22 Cho O<a< z . Xét d4u céc biéu thirc sau:
2
) 27
a) cos(a+7) b) tan(a-7) c) s1n(a'+?j
d) cos a'—3—7[ e) cot a'—z—f[ 1) sin(a—6—7[j
8 5 7
1.23 Xét diu céc biéu thirc sau:
a) sin50°.cos(-30°) b) cot120°.sin(-120°) ¢) sin200°.cos(-20°)
d) sin(-190°).cos(400°) e) tan%.tan;—ﬁ f) cot%.cot%
1.24 Tim a, biét: sin
a) cosa=1 d) sina=1 1B
& &
b) cosa=0 e) sina=0 C A
cos
- - 1 0 I
¢c) cosa=-1 f) sina=-1
= & -1 D
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VAn dé 2. CUNG LIEN KET

Dang 1. Tinh cac gia tri lwong gidc clia mét cung
bang cdch rit vé cung phan tw thit nhdt

DA

A. PHUONG PHAP GIAI

e Duya vao dinh nghia va cdc cong thike quy gon géc da biét, két hop véi ddau ciia cdc gid tri
luong gidc dé suy ra ket qua.

—4n 21 0 L iz" o 4T

o Néu gap biéu thirc phirc tap, ta can rit gon trueée khi tinh.
®  Ghi nho cdc truong hop thuong gap sau day:

T T
- 3—0:; 3+0(; T—o;, T—&; a+k2x; a—-k2x

B. CAC Vi DU

VD 1.22 Tinh a) sin930°; b) cos1140° ¢) tan 750°

C. BAI TAP AP DUNG

1.25 Tinh céc gi4 tri lwrong gidc cuia cung o biét:

a) a=3180° b) a=-1380° c) a=480° d) a=2010°
RIV 4 277 157 117z
€) d=—— o=— o =—— h ga=——"-—-
) 3 f) 5 g 1 ) 3
1.26 Tinh:
a) sin150°; cos135°; tan%”; cot%
. 297 20177 1597 1157
b) sin—; cos ; tan| —— |; cot| -————
6 3 4 6
¢) sin210°; c0s225°; tan 240°; cot(—%)
d) sin330°; cos420°; tan 300°; cot750°
e) sin300°; co0s330°; tan315°; cot315°
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Dang 2. Tinh gid tri biéu thitc lng gidc

an an an

DA A

A. PHUONG PHAP GIAI

e Dya vao dinh nghia va cdc cong thite quy gon géc da biét, két hop véi ddau ciia cdc gid tri
luong gidc dé suy ra ket qua.

—4m 21 0 L = om 47

o Néu gap biéu thirc phirc tap, ta can rit gon trueée khi tinh.

®  Ghi nho cdc truong hop thuong gap sau day:

T T
—-a; 3—0:; 3+0(; T—o; T—0o; a+k2x; a—k2nw

B. CAC Vi DU

VD 1.24 Tinh A :c052§+cos25—ﬂ-+cos2§+cos2 117[+cos +cos 2?7[

(cot44° + tan 226°).cos 406°
cos316°

VD1.25 Tinh B= —cot72°.cot18°
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TAI LIEU HOC TAP TOAN 10 CHUONG 6: CONG THOC LUQNG GIAC

C. BAI TAP AP DUNG

1.27 Tinh gi4 tri ciia cdc biéu thirc luong gidc sau:

AzZsinB—ﬁ+cosl6—ﬁ—3tan5—ﬂ- B =cos _z —25in2—7z+4sin£.sin7z'
3 6 4 6 3 5
C = 25sin390° 3 tan 225° + cot 120° p = $in130°=cos 220
cos 50°.cot 320°
1 2sin 2550°.cos (—188°) sin (—234°)—cos 216°
— + F = - -tan 360
tan 368° 2c08638°+cos98° sin144° —cos126°
G = 2tan1095°+cot 975°+ tan (~195°) biét tan15°=2-+/3
1.28 Tinh gi4 tri ciia cdc biéu thirc luong gidc sau:

A =tan20°. tan45°. tan 70° B =cot25°.cot45°.cot 65°
C =tan5°.tan45°. an 265° D =tan1°.cot2°.tan3°.cot4°... cot88°.tan&89°
E =sin* 70°+sin* 45° +sin* 20° F =tan 20°.tan 70° ++/3 cot 20° cot 70°
G =tan1°tan2°tan 3°...tan 88°tan 89° H =cot585°—-2c0s1440°+2sin1125°.

I =c0s0°+c0s20°+cos40°+cos60°+...+cos160°+cos180°
J =tan10°.tan 20°. tan 30°.tan 40°.tan 50°. tan 60°.tan 70°.tan 80°
K =sin?10°+sin* 20°+sin* 30°+...+sin? 170° +sin” 180°

L =sin825° —cos(—15°)+cos 75°.sin (—195°) + tan 155°. tan 245°

Dang 3. TRt gon-Cluthg minh

an an an

DA

A. PHUONG PHAP GIAI

o Si dung cung lién két dé dwa vé cdc gid tri lwong gid cia cing mét cung
(gdc) dé riit gon.

e Chii ¥y s dung cdc bién doi dai s6 da biét.

B. CAC Vi DU
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2005(”—xjsin(”+xj tan (7 — x)
2 2
p 4 .
cot (2+ xj sin (7 —x)

VD 1.27 Rut gon: A= —2cosx
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TAI LIEU HOC TAP TOAN 10 CHUONG 6: CONG THOC LUQNG GIAC

VD 1.29 Ruiit gon: C:sin(%—a’j—cos(%—a'j—3sin(a'—57[)—25ina'—cosa'

VD 1.30 Chitng minh: a) sin®10°+sin® 20°+...+sin> 70°+sin” 80° =4

b) cos4455° —cos945°+ tan 1035° —cot (—1500°) +1 =

P

C. BAI TAP AP DUNG

1.29 Riit gon cdc biéu thirc lwong gidc sau:

A:cos(%+xj+cos(27r—x)+cos(37£+x)
B=2005x—3cos(7r—x)+5$in(7§—xj+cot(3§—xj
C=25in(§+xj+sin(57[—x)+sin(3§+ xj+cos(§+xj

D:cos(57r—x)—sin(%[+xj+tan(%[—xj+cot(37r—x)
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1.30

1.31

E=sin(7r+x)—cos(%—xj+cot(27[—x)+tan(377[—xj

: 3r T 3r
F =cos(7—x)+sin| x—=— |—tan| =+x |.cot| ——x

2 2 2

G=cos(%+xj+cos(27r—x)+sin(7[—x)+cos(7[+x)
H :2005x—3005(7r+x)—55in(%—xj+cot(3§—xj
I=cos(ﬁ—x)—25in(%+xj+tan(3§—xj+cot(27r—x)
J :SSin(x—%[j—2005(37{—x)+tan(x—3§j+cot(5§—xj

sin (7 + x).cos(x—”j.tan(77[+ x)
K= 2

cos (57— x).sin (3‘;+xj.tan(27[+ x)

L=sin(137+x) —cos(x—%[j+cot(127[—x)+tan (%—x}

. (37 . (57 4 or
M =sin| —+x |+sin| —+x |+tan| ——x |+cot| —+x
2 2 2 2

N =cos(1710°x) — 2sin (x — 2250°) + cos (x +90°) + 2 sin (720°x) + cos (540° — x)

tan (197{—xj.cos(367[—x).sin(x—57[)
0= 2

sin (gzr—xj.cos(x—%ﬁ)
P =sin (7 +x)+sin (27 + x)+sin (37 + x)+...+sin (1007 + x)

Chirng minh:

a) sin (0{+ kzj
2

b) tan (a+ k%j

(k,me Z)

(-1)"sin  khi k=2m
(-1)"cosar khi k=2m+1

{tana' khi k=2m

] (k,me Z)
—cota khi k=2m+1

Chirng minh:

a) sin (x+857ﬂ-j +cos (2077 + x)+sin” (337 + x) +sin’ (x —37”) =1

b) sin(x+a)+sin(x+2a)+sin(x+3a)+...+sin(x+100a) =0

1.32 Tim cos x néu biét: sin (x—%j+sin% =sin (x+%j.
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Dang 4. Hé thitc lupng trong tam gidc

an an an

DA XA

A. PHUONG PHAP GIAI

e Cho AABC, ta ¢ cdc két qua sau:

v [A+B+C=n|=0<AB,C<n

A B C =m ABC =n
V s+ + == 2 0<—, == <=
2 2 2 2 222 2

v A+Bva C; B+C va A; A+C va B la cdc cdp goc bi nhau.
A B C B C A A C B ., _ |

vV —4+—va —; —+—va —; —+— va — la cdc cap goc phu nhau.
2 2 2 2 2 2 2 2 2

®  Sw dung cdc hé thirc lwong trong tam gidc khi can thiét.

B. CAC Vi DU

VD 1.31 Cho A, B, C lacéc géc ciia tam gidgc. Chirng minh cic ding thic sau:

a) sin(A+B)=sinC b) cos(A+B)+cosC=0
¢) sin :cosE d) cosA+B :sinE
2 2
e) cosC+cos(A+B+2C)=0 f) cos(A-B)+cos(2B+C)=0

GV. Tran QuocNghia 187




CHUONG 6: CONG THOC LUONG GIAC TAI LIEU HOC TAP TOAN 10

VD 1.32 Cho A, B, C, a, b, clin luot lacdc géc va céc canh cia tam gidc. Chirng minh:
a) a’.cot’> A—b>.cot’ (A+C)=b>—a> b) b{cos(m_g—ijﬂo{m_g_cﬂ = (a+c)sin B
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CHUONG 6: CONG THUC LUQNG GIAC

1.33

1.34

C. BAI TAP AP DUNG

Chirng minh rang trong AABC ta c6:
3A+B+C A B+C

a) sinA+cos—— =0 b) tan—.tan =1
2 2
¢) tan(2A+B+C)=tan A d) cot(A+B)+cotC=0
1-sin’(A+B -
0 Szll’l ( ) 1= 1 5 tan(A BJZCO{B_I_EJ
1—-cos’(A+B+2C) 2(A+B—Cj 2 2
cos —

Cho A,B,C,a,b,c lﬁnlumlébagécvébacanhcﬁa AABC . CMR:
a) a’cot’ A—b’cot’ (A+C)=b"-a’
b) a’cot® A+b” cot’ B+c’ cot’ C =a’cot’ (B+C)+b* cot’ (C+A)+c’ cot’ (A+B)

c) acosA—i_—g_B:bsin(B+C)

d) a.sin(A+B+2C)= c.cosw

+(a+c)sin(A+2B+C)=0

B+C-A A+B-C
e) b (cos +cos j

Van dé 3. CONG THU’C CONG

Dang 1. St dung truc tiép cdc cong thitc dé tinh hay don gian biéu thitc

XA

A. PHUONG PHAP GIAI

o Tinh gid tri cua mot biéu thirc

® Riit gon hodc don gian mot biéu thirc

e Can chii ¥ phan tich cdc s6 do cung lwong gidc qua cdc cung lién quan
ddc biét da biét nhu: 0°, 30°, 45°, 60°, 90°.

B. CAC Vi DU

VD 1.33 Khong diiug mdy tinh, hdy tinh nhirng gia tri sau:

a) A=co0s25°cos5°—sin25°sin5° b) B =co0s38°cos22°—sin38°sin22°
¢) C =sin36°cos6°—sin126°cos84° d) D=cos75°
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TAI LIEU HOC TAP TOAN 10

2
3
Tinh sin(a+ ), cos(a+ ), sin(a

VD 1.34 a) Cho sina =

RY/4

V4 N 3
,E<a<7c va cos,B:—Z, ——<pf<-x.

2

- ), cos(a—p)

b) Cho sin@=——. 7<a <>~ . Tinh tan| Z—a
11 2 4

VD 1.35 a) Cho sina—sin,ﬁzé, cosa—cos =

1
2

. Tinh cos(a - f).

b) Tinh tan2¢ va tan2f3, biét tan(a+ ) =8 va tan(a—f)=5
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TAI LIEU HOC TAP TOAN 10

CHUONG 6: CONG THUC LUQNG GIAC

VD 1.36 Rut gon:

a) Mzécosx—gsinx b) N =sin(14°+2x)cos(16°—2x)+cos(14°+2x)sin (16°—2x)

¢) P=sinxcos5x—cosxsin5x d) Q=sin(x+y)cos(x—y)+sin(x—y)cos(x+y)

_ tan3x+tanx

_tan(a—45°)+1

e) R f S

" 1+tanxtan3x

B 1—tan(a—45°)

C. BAI TAP AP DUNG

1.35 Tinh gia tri lwgng gidc cua cic cung c6 s6 do sau.

Y4 137
-15°; b) —; C) —>
) ) 12 ) 12
1.36 Tinh:
a) sin3045°; b) cosgs—ﬁ; ¢) tan 1037[;
12 12

1.37 a) Biét sinazg va §<0{<75. Tinh tan(a+%j

b) Biét tana=~/2 vd 0°<a <90°. Tinh cos(a+30°).

d) 1Bz
12

2997

d) cot
12
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CHUONG 6: CONG THOC LUQNG GIAC

TAI LIEU HOC TAP TOAN 10

c) Biét sina:g, 0°<a<90°, sinb:%, 90° < a <180°.
Tinh cos(a+b), sin(a—-b), tan(a+D).

d) Cho 2 g6c nhon a va b véi tanazé, tana:%. Tinh a+5b.
e) Biét tan(a+%j=m voi m#—1. Tinh tan o .
f) Biét cot(s—ﬂ-—ajzm. Tinh tan(a+£j.
2 4
g) Cho a—bz%. Tinh: A=(cosa+cosh)’ +(sina+sinb)’
B=(cosa+sinb)’ +(cosb—sina)’
h) Cho cosa zé va cosb:i. Tinh cos(a+b).cos(a-b).

i) Cho a, b>0, a+b:% va tana.tanb =3—2+/2 . Tinh:
* tana+tanb * tana, tanb réisuyraavéb.

) . 3

j) Cho x+y=60° va tanx+tany:%.Tmh tanx, tany.

k) Tinh tan(a+45°) theo tan & . Ap dung: Tinh tan15°.

1.38 Tinh:
2) A:1+tan15
I-tan15°
b) B:sin15°+§c0515°
¢) C =cos(-53)°.sin(-337°) +sin307°.sin113°
d) D =co0s68°.cos78°+cos22°.cos12°+cos190°
e) E =sin160°.cos110°+sin250°.cos340°+ tan110°.tan 340°
V4 V4 V4 3z
f) F =cos| x—— |.cos| x+— [+cos| x+— |.cos| x+—
3 4 6 4
1.39 Pon gian cic biéu thirc:
2 A:cos(a+b)+s‘inas%nb b B:s%n(a+b)+s‘in(a—b)
cos(a—b)—sinasinb sin(a+b)—sin(a—b)
o C= sin(a—b)+2cosasinb " D:c?s(45°+x)—c9s(45°—x)
2cosacosb—cos(a—b) sin (45°+ x)—sin(45°—x)
1.40 Don gian cic biéu thirc:
2sin(a+b
a) A= sin 4 ) —tanb
cos(a+b)+cos(a—b)
b) B=cos(x+y).cos(x—y)+sin’x
¢) C=cos(a+b).(l1+tanatanb)—cos(a—b).(1-tanatanb).
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Dang 2. Chithg minh ding thitc

DA XA

A. PHUONG PHAP GIAI

Ap dung cdc cong thirc cong thich hop dé:
e Bién doi vé nary thanh vé kia
o Bén doi hai vé cing bang mot dai heong.

e Bién doi dang thirc tuong dicong véi mét dang thire diing, ...

B. CAC Vi DU

VD 1.37 Ching minh céc dang thic sau:
a) sin(x+60°).sin(x—60°)=sin’ x—% b) sin(§+aj—sin(§—aj =sina

- . -b
o cos(a b):cotacotb+1 " cos(a+§9) cosz(a ):1—tan2a.tan2b
cos(a+b) cotacotb—1 cos’ acos’ b
g) sin(a+b).sin(a—b)=sin’ a—sin’b h) sin’(a—>b)+sin’b+2sin(a—b).sinb.cosa =sin’ a
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CHUONG 6: CONG THOC LUONG GIAC TAI LIEU HOC TAP TOAN 10

VD 1.38 Ching minh céc dang thic sau:

a) cosx+sinx=\/§cos(x—gj=\/§sin(x—gj
b) cosx—sinxzx/icos()ﬁgj=—\/§sin(x—gj
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C.BAI TAP AP DUNG
1.41 Chirng minh:

a) sinx+cosx= sin(x+%j =\/Ecos(x—%j
b) sinx—cosx= sin(x—%j = —ﬁcos()ﬁ%j

1+tana V4 1-tana T
c) =tan| —+a d) =tan| ——a
1—-tana 4 1+tana 4

e) sin(a+b).cos(a—b)=sina.cosa+sinb.cosb
f) sin(a+b).sin(a—b)=sin*a—sin*b=cos’b—cos’a
g) cos(a+b).cos(a-b)=cos’a—sin’b=cos’b-sin’a
h) sin £+a —sin z—a =+/2sina
4 4

.. cosa+sina [n j
1) ——=tan| —+a

cosa—sina 4

j) tan(a—b)—tana—tanb = tana.tanb.tan (a+b)

tan a +tan b _tana—tanb
tan(a+b) tan(a—b)

=—2tanatanb

1.42 Chirng minh rang: tan x + tan 2x — tan 3x = — tan x. tan 2.x. tan 3x

Ap dung tinh: A = tan 62°.tan 54° — tan 62°. tan 26° — tan 54°. tan 26°

1.43 Ching minh:

a) tana.tanbz%, néu cos(a+b)=2cos(a—-b)

b) tan(a+b)=2tana, néu 3sinb=sin(2a+b) va a, a+b#90°+k180°.
c) tan(a+b)=3tanb, néu sin(a+2b)=2sina

d) Néu sinb =sin(2a+b) thi tan(a+b)=tan2a

d) Néu cos(a+b)=0 thi sin(a+2b)=sina

p .| sin2a =sin2b
e) Néu tana.tanb =1 thi .
cos2a =—cos2b
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Dang 3. Chithg minh mét biéu thitc khéng phu thuéc doi sé

DA A

A. PHUONG PHAP GIAI

o Chitng minh mét biéu thirc lwong gidc M khéng phu thuéc vao gid tri doi s6 x ciia
gbc dang xét ta rit gon biéu thirc M cho dén khi trong biéu thirc khong con x.

o Nhuw vdy: biéu thirc M khéng phu thudc vao doi sé x.

B. CAC Vi DU

VD 1.39 Ching minh rang gi4 tri ctia biéu thirc sau khong phu thudc vao gid tri ciia x :

T T nj ( 375)
A=cos| x—— |.cos| x+— |+cos| x+— |.coS| x+—
( 3) ( 4) ( 6 4

1.44

C. BAI TAP AP DUNG
Chirng minh gia tri ctia biéu thirc sau khdng phu thudc vao gid tri cia x:
a) A=sin’ x+cos(§+xj.cos(§—xj b) B=sin’ x+sin’ (60°+x)+sin’ (x—60°)
¢) C=cos” x+cos(120°+x)+cos* (120°-x) d) D =cos’ x+sin(30°+ x).sin (30°—x)

e) E:sin2x+sin2(%+xj+sin2(%—xj f) F:COSZX+COSZ(§+XJ+COSZ(g_xj

g G= tanx.tan(x+§j+tan(x+§j.tan(x+2—3nj+tan(x+2—3nj.tanx
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TAI LIEU HOC TAP TOAN 10 CHUONG 6: CONG THOC LUQNG GIAC

Dang 4. Hé thitc lupng trong tam gidc

an an an

DA XA

A. PHUONG PHAP GIAI

e Cho AABC, ta cé cdc két qua sau:

v [A+B+C=n|=0<AB,C<n

A B C =m ABC =m
Vi l—+—+—==|=20<—,—,—<—
2 2 2 2 222 2
v A+BvaC; B+Cva A; A+C va B la cdc cap goc bit nhau.
A B C B C A A C B ., _ |
vV —4+—va —; —+—va —; —+— va — la cdc cap goc phu nhau.
2 2 2 2 2 2 2 2

®  Sw dung cdc hé thirc lwong trong tam gidc khi can thiét.

B. CAC Vi DU

VD 1.40 Cho tam gidc ABC . Chiing minh céc dang thtic sau:
a) sinBcosC+sinCcosB=sinA b) cos Acos B—sin Asin B=—cosC

A B C .B.C A B B C
C) sin— =cos—Ccos— —sin—sin— d) tan—tan—+tan—tan—+tan—tan—=1
2 2 2 2 2 2
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VD 1.41 Cho AABC thoa:

a b c

- —— = . Chirng minh rang: AABC vudng.
sinBsinC cosB cosC

C. BAI TAP AP DUNG

1.45 Chtng minh ring trong AABC ta c6:
a) sin A =sin B.cosC +sinC.cos B b) cos A =sin B.sin C —cos B.cosC
. A B C . B.C
€) sin— =c0S—cos— —sin—sin—
2 2 2 2
A . B C B . C
d) cos— =sin—cos— —cos—sin—
2 2
e) sin®> A+sin* B—sin®> C = 2sin A.sin B.cos C
f) cos® A+cos’> B+cos’C =1-2cos A.cos B.cosC
g) sin? 2 4sin? B 1 6in? C 212 26in A sin B cos &
2 2 2 2
h) tan A+tan B+tan C =tan A.tan B.tan C (AABC khdng vudng)
) A B C A B C
1) cot—+cot—+cot— =cot—.cot—.cot—
2 2 2 2
J) cotA.cot B+cotB.cotC+cotC.cotA=1
k) tanA=—2318  ((si A 2 900)
c—acosB
1.46 a) Cho AABC thoa: a =2b.cosC . Chirng minh ring: AABC cén.
b) Cho AABC thoa: m’ +m; +m’ = 3\/§SAABC. Chimng minh rang: AABC déu.
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Van dé 4. CONG THU’C NHAN
Dang 1. St dung lruc tiép cdc cong thitc dé tinh hay don gian biéu thitc

an an an

DA

A. PHUONG PHAP GIAI

o Ap dung cong thirc nhan 2, nhan 3, ha bdc, ... thich hop ta cé thé tinh gid tri cia

cdc biéu thirc lrong gidc hay cé th rit gon cdc biéu thire lrong gidc.

B. CAC Vi DU

VD 1.42 Riit gon cic biéu thic sau:
a) A=sin5acos5a b) B =sina.cosa.cos2a.cosda

c) C:coszg—sinzg d) D =(sin5a.cos2a—sin2a.cos5a)(cos2acosa—sin2asina)
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TAI LIEU HOC TAP TOAN 10

VD 1.43 Tinh gi4 tri ctia c4c biéu thic
a) A=sin6°.cos12°.cos24°.cos48°
c) C= cos? L _gin? L
8 8

e) E =sin120°(1-4cos’ 20°)

b) B=—————
) 1—tan’15°

d) D =3cos10°—4cos’10°

tan15°

f) F =4sin’ 40°+3cos130°

VD 1.44 Cho = tan%, Vo1 x # 7+ k2x . Chimg minh:

sin x

Ap dung tinh A=

— b= ; 5
3—2cosx tan x —sin x

3sinx—2cosx

, 1—¢* t
sinx = |5 [cosx = | |tan x = >
1+¢ 1+¢ —t
tan x + sin x sin x+cos x
B= ; theo ¢.
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C. BAI TAP AP DUNG

1.47 a) Tinh cos2a, sin2a, tan2a biét:

. 5 3z 3n ..
)cosa=——vamT<a<— — 1) tana=2.
13 2 2
) 4 3z .. . R
b) Cho sin2a =—— va —<a<—. Tinh sina va cosa.
5 2 2
) 3 .7 . . R
¢) Cho s1nx:§ va E< x< . Tinh sin2x va cos2x.
d) Cho cosx=g V90<x<3§.Tfnhtan§.

e) Cho tanx:% va 7£<x<3§. Tinh tan%.

f) Cho tanx =m. Tinh theo m: 1) tan22°30" ii) tan112°30’
g) Cho sinx+cosx =+/2 . Tinh sin2x va cos2x.

h) Cho sinx+cosx = é . Tinh tan% .
i) Cho sina.cosa = é Tinh sin2a, cos2a, tan% .
j) Cho tana+cota=m, 0<a< % Tinh sin2a, sin4a. Tham sé m phai thoa diéu kién gi?

i) Cho tanx =2-~/3 va O<x<%.Tl’nh tan2x . Tur d6 suyra x.

V6 ++/2
4

i) Cho cosx= va O<x<%. Tinh cos2x. Tir d6 suy ra x.

1.48 Tinh:

a) A=cos36° cos72° b) B =co0s75°cos15° ¢) C= sin%.cos%.cos%
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d) D =c0s20°.cos40°.cos 60°.cos80° e) FE =sinl0°sin50°.sin70°
f) F =co0s100°.cos140°.cos160°
g) G =16sin10°.sin 30°.sin 50°.sin 70°.sin 90°

4 87 167 32r

h) H :cosi.cosz—ﬂ..cos—.cos—.cos—.cos—
65 65 65 65 65

1.49 Tinh:
a) Azﬁ b) B=tan2£+tan25—ﬂ.
1—tan”15° 12 12
1 3 .
c) C=— - e d) D =co0s36°—sinl8°
sin10°  cosl0°
1.50 Tinh theo 7= tan% cdc biéu thuc sau:
2) A= tan x +cot x b) B:2+3Cf)sx 0 C:tanx+s‘1nx—cosx
2tan x—4cotx 4—5sin x tan x —sin x + cosx
1.51 Tinh theo cos2x céc biéu thuc sau:
1+tan’ :
a)A=sin'x+cos’x b)B= an2 x 1+ tan2 X
I-tan“x 1—tan”x
1.52 Cho: 12 + 12 +— 12 + 12 =7. Tinh sin*2x.
tan"x cot"x sSIn“x cos x
1.53 Don gian cic biéu thirc:
) 4x—t
A =sin x.cosx.cos2x B=sin‘x—cos"x C =cosx.cos2x.cosdx.cos8x.coslébx D = w
cos2x
.4 . ) 4 sin2x cos2x
E =sin"x—6sin” x.cos"x+cos’x F=—F—
sinx  cosx
1+sinx—2sin2(z+;j cot ™ +tan > Lt cof
G: H:# I:M.tanzﬁ_cosz'x
4cos cot > —tan > 1-cotx
2 2 2
; _sin3x.cos5x—sin2x.cos3x . _ sin® 2x+4cos” x _ sin?2x—4sin’ x
COS X 4—sin*2x—4sin’ x sin” 2x +4sin’ x—4
u 4(sin x.cos’ x—sin’ x.cos x) N sin x+cos x+1 2¢cosa—1
- cos* 2x—sin* 2x ~ cosx+2sinx+2 " 2tan(45°—a).sin’ (45°+a)
P=— 2 —cot2x Q= sindx | _cos2x R =sin6x — 2+/3cos*3x +/3
sin4x 1+cos4x 1+cos2x
S =sin(—x).sin (7 - x).cos2x.cosdx.cos8x T =sin’x.cos3x+ cos’x.sin3x
U =5sin*2x — 4sin*2x.cos*2x — cos* 2x + 3cos4x
1.54 Ruiit gon:
I 11 11 1
a) A:\/2+\/2+\/2+2c0sx ,(0<x<27) b)B= ———\/———,f—+—cosx J(0<x<7)
2 2\V2 2\2 2
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Dang 2. Chithg minh ding thitc

DA XA

A. PHUONG PHAP GIAI

Ap dung cdc cong thirc cong, cong thire nhan thich hop dé:
e Bién doi vé nay thanh vé kia

e Bén doi hai vé cung bcing mot dai luong.

e Bién doi dang thirc tuong dicong véi mét dang thire diing, ...

B. CAC Vi DU

VD 1.45 Ching minh céc dang thic sau:

. . 1 . x( 1
a) cos’ x.sin x—sin’ x.cosx = sin 4x b) cota—tana=2cot2a  ¢) tan—( +1j = tan x
COS X

VD 1.46 Chitng minh cos3x.sin’ x+sin3x.cos’ x = 3 sin4x

Suy ra gid tri cia A =cos 22°30".sin> 172°30"—sin 22°30".cos’ 172°30’
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TAI LIEU HOC TAP TOAN 10

C. BAI TAP AP DUNG

1.55 Chirng minh:

1Y)
2)
3)

4)

6)

8)

10)

12)
14)
16)

18)

20)

22)

24)

26)

28)

30)

32)

34)

sin® x+cos* x = 1—%sin2 2x =%(1+cos2 2x) =%+lcos Ax

cosdx =8cos* x—8cos? x+1=sin* x+cos* x—

.3 g 1 7 35
sin® x+cos® x =—cos8x+—cosdx+—
64 16 64

cotx—tanx—2tan2x—4tan4x=8cot8x 5)

cos3x.cos’ x —sin3x.sin’ x = cos’ 2x 7)
(tan2x —tan x)(sin2x—tanx) =tan’x  9)
sin6x+cos6x=w 11)
cotx—tanx =2cot2x 13)
cos’2x—sin® x = cos x.cos 3x 15)
ﬂ =tan x 17)
1+cos2x
1-2tan’*2
# =cos4x 19)
1+tan” 2x
=2 2
s1‘n 23x _ cos 23x — 8cos2x 21)
sin“x  cos” x
O+2cosdx tan® x +cot” x 23)
1—cos4x
1+s%n2x+cos2xzcotx 25)
1+sin2x—cos2x
1+s‘1nx: of? X 27)
1—sin x 2 4
1-tan®(45°-x) |
> =sin2x 29)
1+ tan® (45°—x)
sin 2x.cos x —tan® 31)
(1+cos x)(1+cos2x) 2
tan® x +cot” x = 6=2cos4x 33)
1—cos4x
2
4
(cotf—tanﬁj = 35)
2 2 1—-2tan x.cot2x

1.56 Chirng minh: sin x.cos x.cos2x.cos4x = %sin 8x

A p dung tinh:

1.57 Chirng minh: tanx =

T 47 Sx
A =c0S—.COS—.COS—
7 7 7

1—cos2x
sin 2x

I-cos2x

6sin® x.cos’ x

) ) 3.
cos3x.sin® x —sin3x.cos’ x = " sin4x

cosx+sinx+cosx—sinx

=2tan2x

cosx—sinx cosx-+sinx
2cos’ x—1 1

4tan” (45°—x).sin’ (45° + x) 2
3+cos4dx

4cos x—2cos2x =

3 . .3 _1 .
cos’ x.sin x —sin x.cosx—zsm4x
3—4cos2x+cosdx=8sin’ x

tan” x
1+cos2x

1—2sin* x
tan 2x + =

cos2x  1—sin2x

cotx+tanx =

sin 2x

cotx—cot2x=

sin 2x
sin’ x+cos’x _ sin2x

sin2x—2sinx _

. Ap dung tinh: A =tan37°30; B = tan? 7 ttan? 3—ﬂ.+ tan
12

1
sin x+cos x 2

1+sin2x (75 j
———=cot Z—x

cos2x

tan ZX( + 1) =tan4x

cos4x

X

- - —tan
sin2x+2sin x

Cos X T X
— =cot| ———

I—sinx (4 2)
X .X

COS ——sin —
2 1

= —tan x

X, . X
cos~+sin> 08X
2 2

B =sin6°.sin42°.sin 66°.sin 78°

, 37

12 12
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Dang 3. Chithg minh mét biéu thitc khéng phu thuéc doi sé

DA A

A. PHUONG PHAP GIAI

o Chitng minh mét biéu thirc lwong gidc M khong phu thuéc vao gid tri doi s6 x ciia
goc dang xét ta rit gon biéu thirc M cho dén khi trong biéu thirc khong con x.
®  Nhuw v@y: biéu thirc M khong phu thudc vao doi so x.

B. CAC Vi DU

VD 1.47 CMR gi4 tri ctia biéu thirc sau khong phu thudc vao gid tri cia x:
A=8sin* x+4cos2x—cos4x—5

C. BAI TAP AP DUNG

1.58 Chirng minh céc biéu thic sau khong phu thude bién:
A =sin8x+2co0s2(45°+4x)

B cos® x—cos3x N sin® x+sin 3x

COS X sin x

1
C= ( L, j-sinx,(0<x<ﬂ')
1+cosx 1—cosx

) ) 1
D =sin®x.cos’x+sin’x.cos® x+§cos42x

E =1+sin2x —+/2cos (x —45°)

F =cos® x+cos” (x+a)—2cos x.cosa.cos(x+a)

G =sin’ x+sin* (x+45°)+ sin*(x+90°)+sin* (x+135°)
1.59 CMR: néu tan% :% thi biéu thirc A = asin x+bcosx khong phu thudc vao gid tri cia x .

1.60 Cho a, B, y thoa: cosa=
B

b c , . N ¥4 ,
, cosp=——, cosy=——_ Ching minh rang bicu thic
+c a+tc b+a

E = tan’ 5 @ tan? +tan E khong phu thudc vao a,b,c.
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Van dé 5. CONG THU'C BIEN POl

Dang 1. Bién dot cdc biéu thitc thanh tong

an an an

DA XA

A. PHUONG PHAP GIAI

o Ap dung cdc cong thirc bién tich thanh tong dé bién doi

B. CAC Vi DU

VD 1.48 Rut gon biéu thirc: A= 2sinx(cos x +cos3x+cos5x). Suyra gid tri T = cosg+cos37—n+coss7Jt

VD 1.49 Bién d6i thanh tong céc biéu thirc sau:
a) A=sin7x.sin3x b) B=sin(x+y).cos(x—y)

¢) C=cosl15°sin75° d) D=cos[x—§).cos(x+§}
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VD 1.50 Bién d6i thanh tong céc biéu thirc sau:
a) A=2sinx.sin3x.sin5x b) B =8cosx.sin2x.sin3x

¢) C=cosx.cos(x+60°).cos(x—60°) d) D=4cos(a—b).cos(b—c).cos(c—a)

C. BAI TAP AP DUNG
1.61 Bién d6i thanh tong:

A:sin—.sinz—ﬂ. B =cos5x.cos3x
5 5
C =2sin(a+b).cos(a—b) D =2cos(a+b).cos(a—b)
E =4sin3x.sin 2x.cos x F =2sin x.sin 2x.sin 3x
G =cos2x.cos6x.cos 8x H =sin2x.cos4x.cos6x.sin8x
I =sin’ 2x.cos4x J =cos’ x.sin 8x
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Dang 2. Bién dot cdc biéu thitc thanh tich

DA A

A. PHUONG PHAP GIAI

o Ap dung cdc céng thirc bién tong thanh tich dé bién doi
o Chii ¥y mot s6 hé qua qua trong (chiing minh tuée khi ding):

2
@ l+sinkx:1+2sinﬁcosﬁ: sinﬁ+cosE

2 2 2 2

2 2

@) l—sinkx:1—2sinﬁcosﬁ: sinﬁ—cosE cosﬁ—sinE

2 2 2 2 2 2
3 l+coskx:2cosz% @ l—coskx:2sin2%
® sinxicosx:ﬁ(sinx.cos%icosx.sin%}:\/Esin(xir§}

® cosx*sinx= ﬁ(cosx.cos% tsin x.sin%} = ﬁcos(xi%}

B. CAC Vi DU

VD 1.51 Bién dbdi c4c biéu thirc sau thanh tich:

a) A=cos’2x—cos>2y b) B=1-sinx—cos2x
¢) C=cos5x+cos3x d) D=sin7x—2sin4x+sinx
e) E=1-2cosx f) F=+3-2sinx
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CHUONG 6: CONG THUC LUQNG GIAC

C. BAI TAP AP DUNG

1.62 Bién dbi thanh tich:
A=cosd4x+cos3x

C =sinS5x+sin x

E=tan(a+b)+tana

G =sina+cosbh

I = tan? x —tan? y
K=1-sinx

M =sin2x+cos3x
O=+/3+2sinx
Q:2+cosa+\/§sina
S =1+sina+cosa

U =1-cosx+cos2x

W =cos? x+cos” 2x+cos> 3x—1

B =cos3x—cosbx

D =sin(a+b)-sin(a—b)
F =tan2x—tan x

H =cos” x—cos® y

J =sina+sinb+sin(a+b)
L=sinx+sin3x+sin5x+sin7x

N =cosa+cosb+cos(a+b)+1

P=sinx+sin2x+sin3x+sin4x

R=1+cosa+cos2a+cos3a

T =cos x+cos2x+cos3x+cosdx

2

V =sin? x—sin” 2x+sin” 3x

X =sin47°+sin61°—sin11°—sin 25°

Dang 3. 7ip dung céng thitc bién déi dé tinh
hay rit gon mét biéu thitc luwgng gidc

A. PHUONG PHAP GIAI

o Ap dung cdc cong thirc bién déi tong thanh tich, tich thanh tong thich hop ta cé thé
tinh gid tri hay riit gon cdc biéu thirc lwong gidc.

B. CAC Vi DU

VD 1.52 Tinh gi4 tri ctia biéu thirc: A = sin?10°+ cos 70°.cos 50°

VD 1.53 Rut gon:

2) A= cosda—cos2a

sin4a—sin2a
_ COSx—cos2x+cos3x

b) B=

c) C=— : :
sin x —sin2x+sin3x

sina —2sin 2a +sin3a

cosa—3cos2a+cos3a
_ l+sin4a—cos4a

1+ cosda+sinda
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C. BAI TAP AP DUNG
1.63 Tinh:

A =cos75°cos15° B:sini.sini—g
C :cos—n.coss—ﬂ D :cosz+cosﬂ+cos6—ﬂ
12 12
E :cos—n.coss—ﬂ F :cosz—cosz
12 12
G:cosz—cos—ﬂ+cos7—ﬂ H:cos£+cos3—n+cos5—ﬂ
9 9 9
I =sin 20°.sin 40°.sin 80° J =sin 20°.cos50°.cos10°
K =c0s10°.cos30°.cos50°.cos 70° L =co0s110°+cos10°+cos130°
M =— ! - \/5 N = ! —2sin70°
sin10° cos10° 2sin10°
1.64 Tinh gi4 tri ciia cdc biéu thuc:
A:sinf.sins—x biét x = 60°.
4 4
poosdazeosia o
sin4a —sin 2a
C= cosa.cosl3a bidt a:E
cos3a+cosSa 7

1.65 Cho a= % . Tinh gi4 tri ctia c4c biéu thuc:

A =sina+sin2a +sin3a+ sin 4a +sin Sa
B =cosa+cos2a+cos3a+cosda+cosSa

C =cos2a+cosda+cos6a+cos8a+cosl0a

21 ¥ 5 6r 87
D =cosa+cos a+? +cos a+? +cos a+? +cos a+?

1.66 Rut gon:
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X—T7

3

.sin

. X . Xx+m
A:4sm§.sm

C=cos4x+4cos2x+3

E= sin x+sin4x+sin7x
cos x+cosdx+cos7x

G- COS X —C0S 2x+C0s 3x

sin x —sin 2x+sin 3x
sin(a+b).sin(a—b)

cosa-+cosbh

sin2x++/2sin x
K: . .
sin2x—+/2sin x

X xX+x X—7
B :4cos§.cos 3 .COS

_sin* x+cos* x—1

F < 6 6
sin” x+cos” x—1
H = sin® 4x—sin® 2x
cos? x—cos* 2x
Jo cos’ a—cos’ b
sin(a—b)
1
§+COSX
I =
1
——CcoSx
2

Ccos x—cos2x—cos3x+cos4dx

M = N =1+4cosx+2cos2x+4cos3x+cosdx

sin x—sin 2x—sin 3x +sin 4x
O =1-sin2x +~/1+sin2x v&i —45° < x < 45°

P =sinx(1+2cos2x+2cos 4x+2cos6x)

1.67 Ruit gon. Véi ne N':

A= 1 1 +...+ 1
cosa.cos2a cos2a.cos3a cosna.cos(n+1)a
B = - 1 - 1 - +..+— 1
sina.sin2a  sin2a.sin 3a sinna.sin(n+1)a
C= ! + ! + ! + ! +...+ !
sina sin2a sin4a sinSa sin2"a

D =tana.tan 2a + tan 2a.tan 3a +...+ tan (n —1) a.tan na

E =cosa+cos3a+cos5a+...+cos(2n+1)a

an an an

XA

A. PHUONG PHAP GIAI

o Dé chitng minh dang thirc A=B ta c6 thé sir dung cdc phwong phdp nhw da trinh
bay ¢ phan truée.

B. CAC Vi DU

VD 1.54 Ching minh céc dang thic sau:
a) cos3a =4cosx.cos (g - x).cos (g + xj

b) sin’b—cos’(a—b)+2cosa.cosh.cos(a—b)=cos’a
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VD 1.55 Ching minh gi4 tri cia biéu thirc sau khong phu thudc vio gid tri cia x va y:
A=cos’(x+y)+cos’(x—y)—cos2x.cos2y

C. BAI TAP AP DUNG
1.68 Chirng minh:

a) sin10°.sin50°.sin 70° = b) co0s10°.cos50°.cos70° =

% | &

1
8
3

¢) tan10°.tan 50°.tan70° = 3 d) sin10°.sin 40°.sin 80° = g
e) cos20°.cos40°.cos80° :% f) tan20°.tan40°.tan80° = J3
g) sinzz.sinzz—ﬁ.sinzzzl h) cosz.cosz—ﬂ..cosdf—ﬂ.:—l
7 7 7 64 7 7 7 8
1) tan%.tani—”.tan%:\ﬁ J) tan55°.tan 65°.tan 75° = tan 85°
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1.69

1.70

1.71

Chirng minh:

V.4 R4 r
a) cos—+cos—+cos— =0
9 9 9

V.4 4r 67 87 1
b) cos—+cos—+cos—+cos— =——
5 5 5 5 2

V.4 27 3z 4
¢) cos—+cos—+cos—+cos— =0
5 5 5 5

2r 4r 67 kY4 2r 4
d) cos—+cos—+cos—+cos— =—lcos— suyra —
5 5 5 5 5 5

e) cos24°+cos48°cos84°—cos12” =—1
67 1

27 4w
f) cos—+cos—+cos— =——
7 7 7 2

—J3+1

g) cos12°+cos18°—4cos15°.cos21°.cos24° =

2
h) tan30°+ tan 40°+ tan 50° + tan 60° = iCos 20°
NG
1) tan9°—tan27°-tan 63°+tan81°=4
. V4 2z Sw r 8 . T«
J) tan—+tan— +tan—+tan —=—=sin——
6 9 18 3 3 18
k) tan 20°+ tan 40° + tan 80° — tan 60° = 4sin 40°
Chirng minh:
a) cosx.cos(60°—x).cos(60°+x)= icos 3x
b) sin x.sin (60° - x).sin (60° + x) = %sin 3x
¢) tanx.tan(60° - x).tan (60°+x) = tan3x
Ap dung tinh:
A =5sin10°.sin 50°.sin 70° B =cos10°.cos50°.cos 70°
C =tan 20°.tan 40°.tan 80° D:tanl.tan7—.tan13—ﬁ
18 1 18
Chirng minh:

1) cos5x.cos3x+sin7x.sin x =cos2x.cos4x

2) sinSx—2sinx(cos2x+cos4x)=sinx

3) sin6x.sin4dx—sinl5x.sin13x+sin19x.sin9x =0
4)  sinx(1+2cos2x+2cos4x+2cos6x)=sin7x

5x 3x . Tx . x

5) cos—.cos— +sin—.sin— =C0S X.COS2x
2 2 2 2

6) sinx—sin2x+sin3x:4cos3—2x.cosx.sin§

7) 2cosx—cos3x —cos5x=16sin” x.cos’ x

8) sinx+2sin3x+sinSx=4sin3x.cos’ x
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9)

10)

11)

12)

13)

14)

15)

16)

17)

18)

19)

20)

21)

22)

23)

sin® x+sin’ (60° — x)+sin x.sin (60° - x) :%

sin’ (z + x) —sin’® (z — xj =sin2x
8 8

27 27
COS X+ Cos x—? +cos x+? =0

1—sin2x z(ﬂ' )
————=tan’| = —x
1+sin2x 4

sin x—sin3x+sinSx

=tan3x
cos x—cos3x+cosSx
1—sin2x w4
——=cot" | —+x
1+sin2x 4
sin x+sin3x+sinSx
=tan3x
cos x+cos3x+cosSx
CcoSS5x—cosx )
—————=-2sinx
sin4x+sin2x
<4 4 2
sin” x—cos” x+cos” x 4 X
=cos —
2(1—cos x) 2
sin2x +sin4x+ sin 6x 4 X
=cos —
2(1—cosx) 2
1+ cos x+cos2x+cos3x
> =2cosx
2cos” x+cosx—1
< 2
sin” 4x ) )
=2s8in x.s1n 2x
2co8 x+cos3x+cosSx

2sin2x—sin4x )
=tan 2x.tan x.sin x

2(cos3x.cos x)

sin(a—b) N sin(b—c) N sin(c—a) 0

cosa.cosb cosh.cosc cosc.cosa

sina+sinb+sinc —sin(a+b+c)=4sin

. cta
S1n

24) cos(a+b).sin(a—b)+cos(b+c).sin(b-c)+cos(c+a).sin(c-a)=0

1.72 Chirng minh gid trj ctia biéu thire sau khong phu thudc vao gid tri cua x:

A =sin’ x+cos(§—x).cos(§+xj

_ I—cos2x+sin2x

1+cos2x+sin2x

ot x
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Dang 5. Hé thitc lupng trong tam gidc

an an an

DA XA

A. PHUONG PHAP GIAI

e Cho AABC, ta cé cdc két qua sau:

v [A+B+C=n|=0<AB,C<n

A B C =m ABC =©
VISt —+—=Z 2 0< o, = <=
2 2 2 2 222 2
v  A+BvaC; B+C va A; A+C va B la cdc cap goc bi nhau.
A B C B C A A C B ., _ |
vV —4+—va —; —+—va —; —+— va — la cdc cap goc phu nhau.
2 2 2 2 2 2 2 2

®  Sw dung cdc hé thirc lwong trong tam gidc khi can thiét.

B. CAC Vi DU

VD 1.56 Cho A, B, C laba géc ctia tam gidc. Bién doi thanh tich céc biéu thirc sau:
a) M =sin2A+sin2B+sin2C b) N =cos2A+cos2B—cos2C—-1

. . ’ . 1 B :
VD 1.57 Tam gidc ABC la tam gidc ginéu sin A = sinB+sinC
cosB+cosC
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VD 1.58 Tam gidc ABC la tam gidc gi néu asin(B—C)+bsin(C—A)=0

VD159 Cho A, B, C laba géc ciia tam gidc. Chirng minh cdc dang thuc sau:
a) sinA+sinB+sinC = 4cos§cos§cos%

b) cos2A+cos2B+cos2C+1=—-4cos AcosBcosC
¢) cos’ A+cos® B+cos®C =1-cos A.cos B.cos C

d) cosA+cosB+cosC :1+4sin§sin§sin%

¢) sin A.cos B.cosC +sin B.cos C.cos A+ sin C.cos A.cos A = sin A.sin B.sinC

216 GV. Tran QuocNghia




TAI LIEU HOC TAP TOAN 10 CHUONG 6: CONG THOC LUQNG GIAC

GV. Tran QuocNghia 217



CHUONG 6: CONG THOC LUQNG GIAC

TAI LIEU HOC TAP TOAN 10

C. BAI TAP AP DUNG

1.73 Cho AABC. Chimg minh rang:
1) cos2A+cos2B+¢c0s2C =—1-4sin A.sin B.sinC
2) sin® A+sin® B+sin®> C =2+2cos A.cos B.cos C
3) sinA+sinB—sinC:4siné.sin£.cos%
4) sin2A+sin2B+sin2C =4sin A.sin B.sin C

5) coszg+cos2§+cos2£ =2+ ZSiné.sinE.sin£

6) cos3A+cos3B+cos3C = 1—4sin37A.sin3—B.sin3—c

2

7) sin3A+sin3B+sin3C = - 4cos37A.cos3—B.cos3—c

2
8) sin4A+sin4B+sin4C =4sin2A.sin2B.sin 2C
9) sin A +sin B—sin C :ta‘tné.ta‘tnﬁ.cot£ (AABC nhon)
cosA+cos B—cosC+1 2 2 2

cosA+cosB+cosC+3 A B C
10) - - - = tan—+ tan —+ tan —
sin A+sin B+sin C 2 2 2

1.74 Cho AABC, R bén kinh duong tron ngoai tiép, r ban kinh dudng tron ndi tiép, S Ia dién tich.

Ching minh rang:

1) S=2R’sinA.sinB.sinC 2) b.cosB+c.cosC=a.cos(B-C)
. A . B .C
3) r:4R.smE.smE.sm3 4) 2S=R(a.cos A+b.cos B+c.cosC)
1.75 Bién d6i vé dang tich:
1) sin4A+sin4B+sin4C 2) sin2A+sin2B—sin2C
3) sin5A+sin5B+sin5C 4) cos2A+cos2B —cos2C -1

1.76 1) Cho AABCthoa:sin4A+sin4B+sin4C =0. CMR: AABC vudng.

2) Cho AABCthoa:a.cosB—b.cosA=a.sin A—b.sinB .
Tim tinh chat cua AABC .

bV +ct=a’
sinA+sin B+sinC =1+\/§'
Tinh céc géc cua AABC.

3) Cho AABC thoa: {

4) Cho AABC thoéa: cos A+cos B+cosC :% .
Chirng minh rang: AABC déu.

(DS: A=90°, B=C=45")

5) Cho AABC thoa: sin A =SBFSNC cyip AABC vuone.
cos B+cosC
. tanB sin’B , ) N N A
6) Cho AABC thoa: =——— . Chirng minh rdng AABC vudng hodc cén.
tanC sin“C
, sinB A
7) Cho AABC théa: — c =2cosA. CMR: AABC can.
sin

8) Cho AABC thoa: tan? A+ tan® B = 2tan’ 218

9) Cho AABC thoa: cos A.cos B.cosC:%. CMR: AABC déu.

. Chtrtng minh rang: AABC cén.
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” 4 - ”
CAU HOI TRAC NGHIEN
A - DE BAI

Caul. Cho trudc mot truc sb d, c6 goc 1a diém A va duong tron tim O ban kinh R tiép xiic vé6i d

tai diém A . Mdi diém N trén duong thang d .

A. xdc dinh duy nhit mot diém N’ trén dudng tron sao cho do dai diy cung AN’ bang do dai
doan AN .

B. c6 hai diém N’ va N” trén duong tron sao cho d6 dai cic diy cung AN” va AN” bang do
dai doan AN .

C. c6 bon diém N’, N”, N” va N”” trén dudng tron sao cho do dai cdc ddy cung AN’,
AN”, AN” va AN”” bang do dai doan AN .

D. ¢6 vo sb diém N’, N”, N” va N””,... trén dudng tron sao cho do dai cdc ddy cung AN’
AN”, AN”” va AN"”,... bang d6 dai doan AN .

Cau2. Cho trudc mot truc sd d, c6 goc 1a diém A va duong tron tim O ban kinh R tiép xiic vé6i d

tai diém A . Mdidiém N trén dudng tron tim (O).

A. x4c dinh duy nhat mot diém N’ trén duong tron sao cho do dai doan théng AN’ bﬁng do dai
day cung AN .

B. ¢6 hai diém N’ vad N” trén dudng thang sao cho do dai cic doan thing AN’ vd AN” béng
do dai day cung AN .

C. c6 bdn diém N, N”, N” va N”” trén dudng thing sao cho do dai cdc doan thing AN’,
AN”, AN” va AN”” bang do dai diy cung AN .

D. c6 vo sb6 diém N’, N”, N” va N””,.. trén duong thing sao cho do dai cic doan thing
AN’, AN”, AN” va AN"”,... bang do dai diy cung AN .

Cau3. Cho trudc mot truc sd d, c6 goc 1a diém A va duong tron tim O ban kinh R tiép xiic vé6i d

tai diém A.MJitia AN trén duong thing d .

A. xdc dinh duy nhit mot diém N’ trén dudng tron sao cho do dai diy cung AN’ bang do dai
tia AN .

B. c6 hai diém N’ va N” trén duong tron sao cho d6 dai cic diy cung AN” va AN” bang do
dai tia AN .

C. c6 bon diém N’, N”, N” va N”” trén dudng tron sao cho do dai cdc ddy cung AN’,
AN”, AN” va AN”” bang d¢ dai tia AN .

D. ¢6 vo sb diém N, N”, N” va N””,... trén dudng tron sao cho do dai cdc ddy cung AN’,

AN”, AN” va AN"”,... bang @0 dai tia AN .

Caud. Cho trudc mit truc s6 d , c6 g 1a diém A va duong tron tim O ban kinh R =1 tiép xic véi

d tai diém A . Mbi s6 thuc duong ¢ trén dudng thing d .

A. xdc dinh duy nhat mot diém N trén dudng tron sao cho d6 dai ddy cung AN bang 7.

B. c6 hai diém N’ va N” trén duong tron sao cho do dai cdc diy cung AN” va AN” béng 7.

C. c6 bon diém N’, N”, N” va N”” trén duong tron sao cho do dai cdc ddy cung AN’,
AN”, AN” va AN”” bang t.

D. ¢6 vo sb diém N’, N”, N” va N””,... trén dudng tron sao cho do dai cdc ddy cung AN’
AN”, AN” va AN"”,... bang 1.
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Cau 5.

Cau 6.

Cau7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cho trudc mdt truc s6 d , ¢6 gbe 1a diém A va duong tron tim O ban kinh R =1 tiép xic véi

d tai diém A.Mbdi sb thuc am 7.

A. xdc dinh duy nhat mot diém N trén duong tron sao cho do dai ddy cung AN bang ¢.

B. c6 hai diém N’ va N” trén duong tron sao cho do dai cdc diy cung AN” va AN” béng 7.

C. c6 bon diém N’, N”, N” va N”” trén dudng tron sao cho do dai cdc ddy cung AN’,
AN”, AN” va AN”” bang t.

D. ¢6 vo sb diém N’, N”, N”” va N””,... trén dudng trdon sao cho do dai cdc ddy cung AN’
AN”, AN” va AN"”,... bang 1.

Theo dinh nghia trong sich gido khoa.

A. Moi dudng tron 1a mot dudng tron dinh hudng.

B. Mbi duong tron da chon mot diém 1a gbc déu 1a mot duong tron dinh hudng.

C. Mbi dudng tron da chon mdt chiéu chuyén dong va mot diém 1a gbc déu 1a mot dudng tron
dinh hudng.

D. Mo6i duong tron da chon mot chidu chuyén dong goi 1a chidu dwong va chiéu nguoc lai dwoc
goi la chiéu am la mot dudng tron dinh hudng.

Theo dinh nghia trong sich gido khoa, duong tron dinh hudng la mét duong tron trén d6 da
chon.

A. chi mét chiéu chuyén dong.

B. chi mot chiéu chuyén dong goi 1a chiéu dwong.

C. chi c6 mot chiéu chuyén dong goi 1a chiéu am.

D. mot chiéu chuyén dong goi la chiéu duong va chiéu nguoc lai dugc goi la chiéu am.

Theo dinh nghia trong sich gido khoa, quy wéc chon chiéu duong cia mot duong tron dinh
hudng la

A. ludn ciing chiéu quay kim ddng hd.

B. luén nguoc chidu quay kim dong hd.

C. c6 thé ciing chiéu quay kim dong hd ma ciing c¢6 thé 1a nguoc chiéu quay kim ddng hd.

D. khong ciing chiéu quay kim dong hd va ciing khéng nguoc chiéu quay kim dong hd.

Theo dinh nghia trong sdch gido khoa,.

A. moi cung hinh hoc AB déu la cung luong giéc.

B. mdi cung hinh hoc AB xéc dinh duy nhét cung luong gidc AbB .
C. mdi cung hinh hoc AB xéc dinh hai cung lugng gidc AbB va AbB .
D. mbi cung hinh hoc AB xdc dinh vo s6 cung luong gidc AbB .

Theo dinh nghia trong sich gido khoa, v6i hai diém A, B trén dudng tron dinh huéng ta 6.
A. Chi mét cung luong gidc cd dlém daula A, diém cuél la B.

B. Pung hai cung lugng giac co diém dau 1a A diém cu01 la B.

C. biing bbn cung luong gidc c¢b diém dau 1a A dlem cubila B.

D. Vo6 s6 cung luong gidc c¢b diém dau 1a A, dlem cubila B.

Theo dinh nghia trong sich gido khoa, trén dudng tron dinh hudng.

A. Mbi cung lugng gidc AIIB xdc dinh mot géc lwong gidc tia dau OA tia cubdi OB.
B. Mbi cung lugng gidc AIIB xdc dinh hai géc luong gidc tia ddu OA tia cudi OB.
C. Mbi cung luong gidc AIIB xdc dinh bon géc lwong gidc tia du OA tia cudi OB.
D. Méi cung lugng gidc AIIB xdc dinh vo sb géc lugng gidc tia ddu OA tia cudi OB .
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Cau 12. Theo dinh nghia trong sich gido khoa,.
A. Trén duong tron tdm O ban kinh R =1, géc hinh hoc AOB la géc lugng gidc.
B. Trén duong tron tim O ban kinh R =1, géc hinh hoc AOB c6 phan biét diém diu A va
diém cubi B 1a géc lugng gidc.
C. Trén duong tron dinh hudng, géc hinh hoc AOB 1a géc lugng giéc.
D. Trén dudng tron dinh hudng, géc hinh hoc AOB c6 phan biét diém dau A va diém cudi B
la géc lugng giéc.

Cau 13. Theo dinh nghia trong sich gido khoa,.
A. Trén duong tron tam O ban kinh R =1, cung hinh hoc AB xic dinh mot géc lugng gidc
b

AOB. q ‘

B. Trén duong tron tdm O ban kinh R =1, cung hinh hoc AB cé phan bi¢t diém dau A va
b
diém cubi B xéc dinh géc luong gidc AOB.
b
C. Trén dudng tron dinh hudng, cung hinh hoc AB xéc dinh géc lugng gidc AOB.
b

D. Trén duong tron dinh hudng, cung lugng gidc AB xac dinh géc lugng gidc AOB.

Cau 14. Theo dinh nghia trong sich gido khoa,.
A. Mbi duong tron la mot duong tron lugng gidc.
B. Moi dudng tron c6 ban kinh R =1 1a mot dudng tron lugng gidc.
C. Mbi duong tron ¢ ban kinh R =1, tAm trung vé6i gbc toa do 1a mot dudng tron lwong gidc.
D. Mbi dudng tron dinh hudng c6 ban kinh R =1, tdm tring v6i gbe toa do 1a mot duong tron
luong giéc.

Cau 15. Cho biét cau nao sai trong s6 cdc cAu sau ddy? Theo dinh nghia trong sich gido khoa trén
duong tron luong giic.

A. Mbi géc MON véi M, N thudc dudng tron déu 1a géc luong gidc.
B. Méi géc MON véi M ,N thudc duong tron déu 1a géc lwong gidc va c6 phan biét diém M

la diém dau, N la diém cuoi déu 1a géc lugng gidc.

C. Mbi gbc MON véi M,N thudc dudng tron déu 1a géc luong gidc va ¢ phin biét tia dau
OM , tia cudi ON 1a diém cudi déu 1a géc luong gidc.

D. Moi géc MON véi A(L;0) va N thudc duong tron déu 1a géc luong gidc.

Cau 16. Géc luong gidc tao boi cung lwong gidc. Trén dudng tron cung c¢6 s6 do 1 rad 1a

A. Cung c6 d6 dai b%“mg 1. B. Cung tuong ng voi goc 0 tam 60°.
C. Cung c6 d¢ dai bang duong kinh. D. Cung c6 d¢ dai bang ntra duong kinh.
Cau 17. Theo sich gido khoa ta c6:
180
A. 1rad =1°. B. 1rad =60°. C. 1rad =180°. D.lrad =| — | .
V4
Cau 18. Theo sich gido khoa ta c6:
180
A. 7w rad =1°. B. 7 rad =60°. C. 7 rad =180°. D. rrad =|— | .
V4

Cau 19. Trén duong tron ban kinh r =5, d) dai ciia cung do g lIa

A.l:%. B.l:%. C.l:%”. D. két qua khc.
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Cau 20. Trén duong tron ban kinh r =15, d¢ dai ctia cung cé sd do 50° 1a

A. [=750. B. l:15.@ C. lzls—ﬂ.. D. l:15.@.50
V.4 180 V4

Céau 21. Trén dudng tron luong gidc, khing dinh nao sau diy ding?
A. cung luong gidc c6 diém dau A va diém cudi B chi c6 mot sb do.
B. cung lugng gidc c¢6 diém dau A va diém cudi B chi c6 hai s6 do sao cho tdng cua chiing
bing 27..

C. cung luong gidc ¢6 diém dau A va diém cudi B chi ¢ hai s6 do hon kém nhau 2.

D. cung lugng gidc c6 diém dau A va diém cubi B ¢6 vo s do sai khic nhau 2.

Cau22. Trén duong tron luong gidc véi diém gdc A , cung luong gide ¢6 sé do 55° ¢6 diém ddu A xdc dinh.
A. chi c¢6 mot diém cudi M . B. ding hai diém cubi M .

C. ding 4 diém cudi M . D. vo sb diém cubi M .

Cau 23. Trén dudng tron lugng gidc voi diém gbe 1a A, cung AN , ¢6 diém dau 1a A, diém cudila N .
A. chi c6 mét sb do. B. c¢6 diing hai s6 do.

C. c6 diing 4 s6 do. D. c6 vo sb sb do.

Céau 24. Luyc gidc ABCDEF ndi tiép duong tron lugng gidc c6 gdcla A, céc dinh I4y theo thir ty d6 va
cic diém B,C c6 tung d6 duong. Khi d6 géc lugng gidc c6 tia diu OA, tia cudi OC bang
A. 120°. B. -240°.

C. 120° hoac -240°. D. 120°+k360°,k € Z.

Cau25. Trén duong tron lugng gidc c6 diém gdc 1a A . Piém M thudc dudng tron sao cho cung lugng gidc
AM c6sddo 45°.Goi N 1a diém dbi xtng voi M quatruc Ox , sb do cung luong gidc AN bang
A. —45°. B. 315°.

C. 45° hoac 315°. D. -45°+k360°,keZ.

Cau 26. Trén dudng tron voi diém gdc 1a A. Piém M thudc dudng tron sao cho cung lugng gidc AM
¢6 sb do 60°. Goi N 1a diém ddi xtmg v6i diém M qua truc Oy, sb do cung AN 1a
A. 120°. B. -240°.

C. -120° hoac 240°. D. 120°+k360°,k € Z.

Céau 27. Trén dudng tron luong gide vo diém gbe 1a A. Piém M thudc dudng trdon sao cho cung luong
gidc AM ¢6 sb do 75°. Goi N 1a diém ddi xtng v6i diém M qua gbc toa dd O, sb do cung
luong gidc AN bang
A. 255°. B. -105°.

C. -105° hoac 255°. D. -105°+k360°,k € Z .
Céau 28. Trén dudng tron luong gidc voi diém gbc 1a A, diém M thudc dudng tron sao cho cung lugng
b b
gidc AM ¢6 s0 do 135°. Goi N la diém doi xung cua M qua truc Oy, s6 do cung AN 1a
A. —45°. B. 315°.
C. —45° hoac 315°. D. 45°+k360°, ke Z.

Céau 29. Cho bdn cung (trén mot dudng tron dinh hudng): o = —%, B = % , Y= 2577[, 0= 19% . Céc

cung nao c6 diém cudi tring nhau:
Acavapf;,yvad. B.fvay,avaod. C.a, B, 7. D. 5,7 0.
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Cau 30. Biét mot s6 do ciia géc £(0x, Oy) :37”+ 20017 . Gid trj tong quét cua géc £(Ox, Oy)la
RY/4
A. Z(Ox, Oy)=7+kﬂ'. B. Z(Ox, Oy)=7+k2x.
T T
C. Z(Ox, Oy)=5+kﬂ'. D. Z(Ox, Oy):E+k2ﬂ'.
Cau3l. Cho a:§+k2ﬁ (ke Z).Dé ae(19; 27) thi gid tri cia k 1a
A k=2, k=3. B. k=3 k=4. C.k=4 k=5 D.k=5k=6.

A ’ ./ A N T ) P IR T . A
Céu 32. Cho géc lugng gidc (OA,0B) c6 so do bang 5 Hoi trong cic s0 sau, s6 nao 1a s6 do ciia mdt

g6c luong gidc c6 cung tia dau, tia cuoi?

A% . - 1% c. & p. 3%
5 5 5 5
Cau 33. Cung o c6 mit daula A va mit cubila M thisd do cia o 1a
A kr B. - Zikr. . kor. D -Zikor
4 4 4 4
Cau 34. Géc c6 sb do 108° dbi ra radian 1a
AZ B. ~. ¢z .~
5 10 2 4

Cau 35. Géc c6 s6 do 2?” d6i sang d6 Ia

A. 240°. B. 135°. C. 72°. D. 270°.
Céau 36. Cho Z(Ox, Oy)=22°30"+k360°. Vi k bang bao nhiéu thi Z(Ox, Oy)=1822°30"?
A ke D. B. k=3. C. k=-5. D. k=5.

Cau 37. Géc 6 s6 do % d6i sang d6 Ia

A. 15°. B. 18°. C. 20°. D. 25°.

Cau 38. Géc c6 s6 do % d6i sang d6 Ia
A. 7°. B. 7°30. C. 8°. D. 8°30'.
Cau 39. Cho hinh vuéng ABCD c6 tim O va mdt truc (i) di quaO. Xdc dinh s do géc giira tia OA

véi truc (i) biét truc (i) di qua trung diém I cta canh AB .

A. 15°+ k360° B. 45°+ k360° C. 135°+ k360° D. 155°+ k360°
Cau 40. Géc c6 s6 do 120° ddi sang radian 1a
Z B. 2% c.z p. 2%
10 2 4 3

Cau 41. Biét OMB’ va ONB’ 1a cic tam gidc déu.
Cung o c6 mit daula A va mit cudi trung v6i B hoac M hodc N . Tinh s6 do cua a ?

A a=Z+1Z B.a=-Z+1tZ  coa=Zi*" D. a=Z k2"
) 6 3 273 6 3
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Cau42. Cho L, M, N, P lan luot 1a diém chinh giira cdc cung AB, BC, CD,DA. Cung & c¢6 mit
dau tring véi A va s do a= —%’ﬂ k. Miit cudi cia o & dau ?
A. L hoac N B. M hoac P C. M hoac N D. L hoac P
Cau 43. Cung nao sau day c6 mut trung voi B hodc B” ?
A. a:%+k2ﬁ B. a:—%+k2ﬂ' C. a=90°+ k360°  D. a=-90°+ k180°
Cau 44. Mot banh xe ¢6 72 ring. S6 do géc ma banh xe da quay duoc khi di chuyén 10 rang la
A. 30° B. 40° C. 50° D. 60°
Cau 45. S6 do géc 22°30° ddi sang radian 1a
AL Iz c.z p. 2
8 12 6 5
Cau 46. Doi s6 do géc 105° sang radian.
e B. Z c.Z p. 2~
12 12 12 8
Cau47. Cung o c6 mit daula A va mit cudi triing vi mot trong bon diémM , N, P,Q.
S6 do cua ala
A.a= 45°+ k180°  B.a= 135°+ k360° C.a="+kZ D. =212
4 4 4 2
Cau48. Cho a:%+k2ﬂ'.Tim k d4107< a < 1z
Ak =4 B.k =6 C.k =17 D.k =5
Cau 49. Cho hinh vudng ABCD c6 tim O va mot truc (£) di qua O. Xdc dinh sb do cia cic géc giita
tia OA véi truc (£), biét truc (¢) di qua dinh A cia hinh vudng.
A. 180°+k360°. B. 90°+£360° . C. -90°+£360°. D. k360°.
Cau 50. Mot duong tron ¢ ban kinh R = Ecm. Tim d6 dai cua cung % trén duong tron.
V4
2
A. 10cm. B. S5cm. C. 2—(2)cm. D. ”—cm.
V4 20
Cau 51. Mot dudng tron ¢6 ban kinh R =10cm . Do dai cung 40° trén dudng tron gan bang
A. 7cm. B. 9cm. C.llem. D. 13cm.
Bai 2: GIA TRI LUQNG GIAC CUA MQT CUNG
Cau 52. Giatri cothTﬂ- bang
A. 3. B. —/3. ¢33 p. -3
3 3
Cau 53. Gid tri ciia tan180° bang
A. 1. B. 0. C. -1. D. Khong xac dinh.
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Biét tanar=2 va 180° < ar < 270°. Gid tri cos +sin & bang

A. —%. B. 1-+/5.

. 2 2cos’ x—1
Rut gon bi€u thic A =————
sin x+cos x

A. A=cosx+sinx.
o V2
Biét sina+cosa=—
2
) 1

A. smacosaz—z.

C. sin* @+cos* a=—.

.35
2

B. A=cosx—sinx.

p V5-1
2

, ta dugc két qua la

C. A=cos2x—sin2x. D. A=cos2x+sin2x.
. Trong céc két qua sau, két qua ndo sai?

. 6
B. sinax—cosa = -_F?.

D. tan’ a+cot’ @ =12.

Tinh gid tri ctia biéu thirc A =sin® x+cos® x+3sin” xcos” x .

A. A=-1. B. A=1.

Biéu thtrc Az(l tan x) - 1

4tan® x 2

A. 1. B. 1.

2 2
cos” x—sin” y
sin” xsin® y

A. 2. B. -2.

Biéu thic B =

4sin* xcos’ x

S
N

C. A:4 D,A:—4

khong phu thudc vao x va bang

—cot” xcot” y khong phy thudc vao x, y va bang

C. 1. D. 1.

12 .z e < A N
Cho cosaz—E va E<a'<7r. Gia tri cua sino va tan lan luot la

9

137 3 312

5 5 D55

b

13 12 13012

2 . . 2 . RV PREE I 2.8 13
Biéu thirc € =2(sin" x+cos* x+sin’ xcos’ x) —(sin® x+cos® x) c6 gid tri khong dbi va bang

A. 2. B. -2.

Cho %<0{<7£. Két qua ding 1a
A. sina >0; cosa>0.
C.sina>0; cosa<0.

Y4 £ s 3. N
Cho 27[<0(<7. Két qua ding 1a

A. tana >0; cota>0.
C. tana>0; cota<0.

H¢ thic nao sai trong bon hé thure sau:

tan x + tan
A. anxwany =tan x.tan y
cotx+coty
sin sin 2

C. — =
cosa+sina cosa—sina l—cot’a

C. 1. D. 1.

.sina<0; cosa<0.
.sinax<0; cosa>0.

tana<0; cota<O.
.tana<0; cota>0.

2
. \/1+s?na _\/1—s%na —dtan’a
1-sina 1+sina

sina+cosa 2cos o
sina—cos +1

l1-cosa
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Cau 65. Biéu thic D = cos® x.cot’ x+3cos® x—cot” x +2sin” x khong phu thudc x va bang
A.2 B. -2 C.3 D. -3

Cau 66. Néu biét 3sin* x+2cos* x = % thi gid tri biéu thirc A =2sin* x+3cos* x bang

Jdon 601103 603105 605107607
81 405 81 405 81 405 81 405
Céu 67. Cho biét cot x=—. Gid trj biéu thirc A =— — 2 — bang
2 sin” x—sin x.cos x —cos” x
A.6 B.8 C.10 D. 12
Cau 68. Néu sinx +cos x :% thi 3sin x+2cosx bang
A. 5-7 hay 5+47 B. —5_\/3 hay 5+45
4 4 7 4
C. 2_5*6 hay 22_6 D. # hay > +5ﬁ

Céau 69. Pon gian biéu thic A= (1— sin’ )c)cot2 x+ (1 —cot’ x) ta co:

A. A=sin’ x B. A=cos’ x C. A=—sin’x D. A=—cos’x

Cau 70. Biét tanx = 2b

. Gi4 trj ctia biéu thitc A =acos’ x+2bsin x.cos x+csin’ x bing

a—c
A. —a. B. a. C. -b. D. b.
. .. sinfa costa 1 . sinfa cos®a .
Cau 71. Ncéu biet + = thi bi€u thoac A=——-—+——— bang
a b a+b a b
1 1 1 1
. > B. —— C. 3 D. ——
(a+b) a +b (a+b) a’ +b
Cau 72. Trong céc ding thic sau, dang thic nao ding?
A. sin(180° —a) =—cosa. B. sin(180° —a) =-sina.
C. sin(180° —a) =sina. D. sin(180° —a) =cosa.
Céau 73. Trong cic dang thirc sau, ding thirc ndo sai?
A. sin(z—xj:cosx. B. sin(£+xj=cosx.
2 2
C. tan(%—x}zcotx. D. tan(§+xj=cotx.

sin (—234°) —cos216°
sin144°—cos126°

Céau 74. Rut gon biéu thirc A= .tan 36°, ta duoc

A. A=2. B. A=-2. C. A=1. D. A=-1.
) o (cot44° + tan 226°).cos 406°
Cau 75. Biéu thuc B= —cot72°.cot18°, ta duoc
cos316°
A. B=-1. B. B=1. C.B:—l. D.B:l.
2 2
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c0s 750° +sin 420°

Céu 76. Gid tri ciia biéu thic C =— bing
sin (—330°) —cos (—390°)
243 1-3
A. -3-3. B.2-33. c. =, D. —.
J3-1 3
Cau 77. Gid tri cia biéu thic D = cos® %+cos2 3?ﬂ-+cos2 5?ﬂ-+cos2 7?7[ bang
A. 0. B. 1. C.2. D. -1
Cau 78. Cho tam gidc ABC . Khang dinh ndo sau ddy Ia sai:
A. sinA+C:cos£. B. cosA+C:sin£.
2 2
C. sin(A+B)=sinC. D. cos(A+B)=cosC.
Cau 79. Don gian biéu thirc A = cos (a'—%j +sin(a — ), ta dugc:
A. A=cosa+sina. B. A=2sinax. C. A=sina—-cosa. D. A=0.
. in515°. —475°)+cot 222°.cot 408°
Cau 80. Rut gon bicu thirc A = o COS( ) co €0 , ta duoc:
cot415°.cot (—505°) + tan197°. tan 73°
| P I 5o | |
A. —sin” 25°. B. —cos”55°. C. —cos” 25°. D. —sin” 65°.
2 2 2 2
Cau 81. Rut gon biéu thirc A = cos (%—aj +sin (%—a'j —Cos (%+ a'j —sin (%+ a') , ta duoc:
A. A=2sinc. B. A=2cosx. C. A=sina—cosa. D. A=0.
A L. . 2 , T or n e
Cau 82. Vo6imoi &, bi€u thitc cos & +cos a'+g +...+cos a'+? nhan gia tri bang
A. —10. B. 10. C.0. D.S.
Cau 83. Gid tri ctia biéu thirc A =sin’ %+ sin’ 2{+ sin? 3—7[+ sin’ 4{+ sin? %+ sin? % bang
3 7
A. A=6. B. A=3. C. A==. D. —.
2 2
. sin(—328°)°.sin958° cos(-508")°.cos(—-1022°) ,
Cau 84. Bicuthic A= - c6 ket qua rut gon bang
cot572° tan (—212°)
A. —1. B. 1. C.0. D. 2.
Cau 85. Biéu thuc
A=cos(a'+267r)—2sin(a'—77£)—cos(l,Sﬁ)—cos(a% 2003§j+c0s(a'—1,57£).cot(a'—87£)
¢6 két qua thu gon bang
A. —sinox. B. sincx. C. —cosc. D. coscr.
A ez, 1 25sin 2550°.cos (—188°) _ .
Cau 86. Gia tri cua biéu thuc A= + bang
tan 368° 2c0s638°+cos98°
A. 1. B. 2. C. 1. D. 0.
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Céau 87. Cho tam gidc ABC va cdc ménh dé:

@ cosB+C:sin§. (1D tanA+B.tan%:1. (1) cos(A+B—-C)-cos2C=0.
Ménh dé ding 1a
A. Chil. B. II va III. C.Ivall D. Chi III.

Cau 88. Cho A, B, C laba géc cua mdt tam gidc. Hay chi ra h¢ thac sai:

A. sin At BHC_ e B. cos(A+B—-C)=-cos2C.
C. tanM:cotE. D. cotM:tang.
2 2
Cau 89. Cho A, B, C laba géc cua mdt tam gidc. Hay chi ra h¢ thac sai:
A. cos B:sin%. B. cos(A+B+2C)=~-cosC.
C. sin(A+C)=-sinB. D. cos(A+B)=-cosC.

(cot44° +tan 226°).cos 406°

cos316°
A. 1. B. 1. C. 2. D. 0.

Cau 90. Gid tri ctia biéu thirc A= —cot 72°.cot 18° bang

cos (—288°).cot 72°

Cau 91. Két qua rit gon cua biéu thirc A= 5 —tan18° la
tan (—162°)°.sin108°
A. 1. B. 1. C.0. D.l.
2
Cau 92. Giatri sinMTﬁ la
A.ﬁ. B.l. C.ﬁ. D.—l.
2 2 2 2
Cau 93. Giatri cos37—ﬂ- la
A.ﬁ. B.—ﬁ. C.l. D. —l.
2 2 2 2
Cau 94. Giatri tanz?Tﬁ la
Al B. —1. C.? D. 3
Cau 95. Cho tana:—g voi 377[<a<27:. Khi d6
A sina'——i' cosa'——i B sina'—i' cosa'—i
' Ja Ja R TE Nl
C sina'——i' cosa'—i D sina'—i' cosa'——i
' Ja Nk =TT Nl
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Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cho tan x :_73 va gbéc x thoa man 90° < x <180°. Khi d6.

A. cotxzi. B. cosxzé. C. sinxzé. D. sinx=—.
3 5 5

Cho sinx zg va gbéc x thoa man 90° < x <180°. Khi d6.

A. cotxzi. B. cosxzi. C. tanx:i D. cosx=—.
3 5 4 5

Cho cosx :_?4 va gbc x thoa man 90° < x <180°. Khi d6.
A. cotxzi. B. sinxzé. C. tanx:i D. sinx=—.
3 5 5 5
Cho cotx:% va gbéc x théa man 0° < x < 90°. Khi dé.
—4 -3 4 —4

A. tanx:?. B. cosx=—. C. sinx:§. D. sinx=—.

Goi M =sin*10°+sin” 20°+sin? 30° +sin” 40° + sin” 50° +sin”® 60° +sin” 70° +sin” 80° thi M

bang

A. 0. B. 2. C. 4. D. 8.

Goi M =co0s*10°+c0s*20° +cos*30°+ cos?40° + c0s?50° + cos?60? +cos>70°+cos*80°  thi
M bing

A. 0. B. 2. C. 4. D. 8.

Gid tri ciia biéu thuc:

M = cos® 23° +cos? 27° +cos? 33°+cos? 37° + cos? 43° + cos® 47° + cos® 53° + cos> 57° +.
+c0s® 63°+cos* 67° bing

A. 1. B. 5.

C. 10. D. Mot két qua khic véi cdc két qua dd néu.

Gid tri ciia biéu thuc:
M = cos® 10°+cos? 20°+ cos® 30° + cos? 40° + cos? 50° + cos? 60° + cos* 70° + cos? 80° + .
+¢0s?90° + cos? 100°+ cos? 110° + cos* 120° + cos* 130° + cos? 140° + cos? 150° + cos? 160° +.

+c0s?170°+cos? 180° bang

A. 0. B. 8. C.9. D. 18.
2 o + 2 o__ 2 o .
Gid trj cita biéu thirc pf = A0+ 007 —cos 457 .
cot“120°+cos~150°
A2 B. L. C.S_*@ D. —.
7 7 6+3 13
Biét tanx =2, gid trj cia bidu thire M = SS0F=2COX s
5cosx+7sinx
A -2 B. 2+ c. -+ p. &
9 19 19 9
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) . _ 2 .
Cau 106. Biét tan x _L , gid tri cia biéu thic M = 2sin x+351£1 ak CO_S)Z doos” x bang
2 Scos” x—sin” x
A S c._ % p. -8
13° 19° 19°

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Biét A,B,C lacic gbc cua tam gidc ABC, ménh dé nao sau day ding:

A. sin(A+C)=-sinB.

C.tan(A+C)=tanB.

B. cos(A+C)=—-cosB.
D. cot(A+C)=cotB.

Biét A,B,C l1a cic gbc cua tam gidc ABC, ménh dé nao sau day ding:

A. sin(A+C)=-sinB.
C.tan(A+C)=—tanB.

B. cos(A+C)=cosB.
D. cot(A+C)=cotB.

Biét A, B, C 1a céc gbc cua tam gidc ABC, khi dé.

A. sinC=—sin(A+B).

C. tanC=tan(A+B).

B. cosC =cos(A+B).
D. cotC =—cot(A+B).

Biét A, B, C 1a céc gbc cua tam gidc ABC, khi dé.

A. sinC =sin(A+B).
C.tanC=tan(A+B).

B. cosC =cos(A+B).
D. cotC=—-cot(A+B).

Cau 111. Biét A, B, C 1a céc gbc cua tam gidc ABC, khi dé.

szsing. B. sm(
2

C. tan(A-l_Bj:tang. D. cot
2 2

o 5
+ N+
oy o]

~

+
!
;_/;_/ N
Il
|
(@)
o
w2

l\.)|Q NlQ

[\

Cau 112. Biét A, B, C 1a céc gbc ciia tam gidc ABC, khi d6.

(
(48] . COS(A
& =

j = cot£ D. cot
Cau 113. Biét A, B, C 1a cic géc cia tam gidc ABC, khi d6.

A. cos

:(>
Uc

C. tan

cot&
2 2

[\

A+B C A+B C
A. tan =tan—. B. tan =—tan—.

2 2 2 2
C. tan(A-l_Bj:cotg. D. tan A+B =—c0t£.

2 2 2

Cau 114. Biét A, B, C 1a céc gbc cua tam gidc ABC, khi dé.

A. sin A+B :sing. B. sin A+B :—sing.

2 2 2
C. sin A+B :cosg. D. sin A+B :—cosg.

2 2 2 2
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Cau 115. Véi gée x bat ki.

A. sinx+cosx=1. B. sin’ x+cos”x=1. C. sin’ x+cos’x=1. D. sin* x+cos* x=1.
Cau 116. Véi géc x bat ki. Khang dinh nao sau ddy 1a khing dinh ding?

A. sin® x+cos”2x =1. B. sin(x2)+cos(x2):1.

C. sin” x+cos”(180°—x) =1. D. sin” x —cos” (180° - x) =1.

Cau 117. Cho M = tan10°.tan 20°. tan 30°. tan 40°. tan 50°. tan 60°. tan 70°.tan 80° . Gi tri cia M bang
A.M=0. B.M=1. C. M =4. D. M =8.

2sin x—3cos x

Cau 118. Biét tanx=2 va M = . Gid tri cia M bang

4sinx+7cosx
1 1 2
A.M=1. B.M=—. C.M=——. D.M=-=.
15 15 9

2sin’ x4 3sin x.cos x + 4 cos” x

Cau 119. Biét tanx=2 vAa M =

— > - Gid tri cia M bing
5sin” x+6¢cos” x

AM=2. B. M =—. C.M=——. D. M =22,
13 65 65 29

2sin? x4 3sin x.cos x + 4 cos” x

Cau 120. Biét tanx=3 va M = . Gid tri cia M bang

5tan’ x +6cot> x
%5 __93

ELY _3 M=
137 1370

47

_31

A. M B. M =—
51

D. M

A . 2 . 2 .2 , N A 1S Lt R ’ , 5
Céu 121. Cho M =(sinx+cosx)” +(sinx—cos x)" . Bi€u thic no sau dy 1a biéu thirc rit gon cua M ?

A.M=1. B.M=2. C.M=4. D. M =4sin x.cos x.

A . 2 . 2 LR , N Al 1 Los R , L, ,
Céu 122. Cho M =(sinx+cosx) —(sinx—cosx)”. Bi€u thirc ndo sau ddy 1a bi€u thic rit gon ctia M ?

A.M=2. B. M =4. C. M =2sinx.cosx. D. M =4sinx.cosx.

Céu 123. Goi M =(tan x+cotx)’, ta c6.
A M=2. B.M:%. C.M:%.D.M:4.
sin® x.cos” x sin® x.cos® x

Cau 124. Cho tanx+cotx=m, goi M = tan’ x+cot’ x . Khi d6.

A.M=m’. B. M =m*+3m. C.M=m’-3m. D.Mzm(mz—l).
Cau 125. Cho sinx+cosx=m, goi M :|sinx—cos x| . Khi dé.

AM=2-m. B. M =2—m?. C.M=m*-2. D. M =~2-m>.
Cau 126. Cho M =5-2sin” x. Khi d6 gid tri 16n nhat cia M 1a

A. 3. B.5. C.6. D.7.
CAu 127. Gid tri 16n nhit caa biéu thitc M =7 cos> x—2sin’ x 1a

A. 2. B.5. C.7. D. 16.
Cau 128. Cho M = 6cos” x+5sin’ x . Khi d6 gié tri 1on nhit cia M 1a

A. 1. B.5. C.6. D. 11.
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Cau 129. Cho M =3sin x+4cosx. Chon khing dinh dting.
A. M <5. B.5<M. C.M=>-5. D. -5<M <5.

Cau 130. Gid tri 16n nhat cia M = sin* x +cos* x bang

A1, B. 2. C. 3. D. 4.
Cau 131. Gid tri 16n nhat cia N =sin* x—cos* x bang

A. 0. B. 1. C. 2. D. 3.
Cau 132. Gid tri 16n nhat ctia Q =sin® x+cos® x bang

A1, B. 2. C. 3. D. 6.
Cau 133. Gid tri 16n nhat cia M = sin® x - cos® x bang

A. 0. B. 1. C. 2. D. 3.
Cau 134. Gid tri ctia biéu thirc P =3(sin*x+cos* x)-2(sin x+cos’ x) la

A. -1. B. 0. C. 1. D. 5.

Céu 135. Biéu thtc thu gon cia M = tan® x—sin’ x 1
A. M =tan’ x. B. M =sin’ x. C. M =tan’ x.sin’x. D. M =1.

Céu 136. Biéu thuc thu gon ciia M = cot> x—cos’ x 1a
A. M =cot’ x. B. M =cos” x. C.M=1. D. M = cot® x.cos x.

2 2 .
Cau 137. Néu p =25 1750 X (x;tk%,ke Z) thi M bing

2 2
cot"x—tan" x

A. tan* x. B. cot’ x. C. %cos2 2x. D. isin2 2x.
Cau 138. Gia tri cua M =cos20°.cos40°.cos80° la
L B. L. ct D. 1.
16 8 4
Cau 139. Néu M =sin® x+cos’ x thi M bang
A. 1+2sin* x.cos’x. B. 1+sin’2x. C. 1—sin’2x. D. 1—%Sin22x.
Cau 140. Néu M =sin® x+cos’ x thi M bang
A. 1+3sin’ x.cos’x. B. 1-3sin’ x. C. l—gsinZZx. D. 1—%sin22x.
Cau 141. Gid tri nho nhét caia M =sin* x +cos* x 1a
A. 0. B.L1. cl D. I
4 2
CAu 142. Gid tri nho nhét cia M =sin® x+cos® x 1a
A. 0. B.L1. cl D. 1.
4 2
3
Céu 143. Cho biéu thie M =" (2 T iz x2 % +kz ke Z). ménh d& nio trong cdc
(1+tan x) 4 2
ménh dé sau diing?
A M<1. B. M <l1. C.Mzi. D.iSMsl.
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CAu 144. Cho cot15° =2++/3 . Xdc dinh két qua sai.

o2

A. tan15°=2-/3. B. sin15° = y

V31
NP

Cau 145. Néu tan v +cotr =5 thi tan® @ +cot’ & bang

C. cosl5°= D. tan®15°+cot*15°=14.

A. 100. B. 110. C.112. D. 115.
s 2 .
Céu 146. Cho tanx=—— va % < x < thi gid tri cita biéu thie A=S2 Y 7Y pap
3 2 sin x —cos” x
A2 B. 2. c. 2L, p. 2
11 11 11 11
AL 1 .

Cau 147. Cho biét sina+cosa = 5 thi tan® & +cot” & bang

A. 12. B. 14. C. 16. D. 18.
Céu 148. Tim ding thic sai.

A. sin* x—cos* x=1-2cos” x. B. tan” x —sin” x = tan® x.sin” x .

C. cot’> x—cos’ x=cot’ x.cos’ x. p, Sinx+eosx=1_ . 2cosx

I—cosx sin x+cosx+1

Cau 149. Tim ding thirc sai trong céc dang thirc:

A. 1—sin® x—cot” xsin* x = cos’ x. .M:tanxtany.

cotx+coty

2 2
cos"a@—cot” o 2 2
C. — =tan’ . D. (tanx+cotx) —(tanx—cotx) =4.

sin’ @ —tan’ @

Cau 150. Biéu thirc A = cos” x.cot? x +3cos® x—cot” x +2sin* x khéng phu thudc vao x va bang
A. 1. B. 1. C. 2. D. 2.

Cau 151. Biéu thie B=(sin* x+cos* x—1)(tan x+cot” x+2) khong phu thudc vao x va bing

A. 4. B. -4
C.2. D. 2.

2 s 2
A . X , COS™ X—Ss1n ~ A s L3
Cau 152. Biéu thic €= Y 6> x.cot> y khong phu thudc vao x va bing

.2 .
S XSlI’l2 y

A. —1. B. 1. C. l D. —l.
2 2
Céu 153. Néu tan x =5 thi sin* x—cos* x.
2. B. V. c. D. 2.
13 13 13 13
Céu 154. Néu 3cosx+2sinx=2 va sinx <0 thi gid tri ding cua sinx 1a
_S _7 _2 _12
13° T3 T3 To13]
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Cau 155. Chon h¢ thic sai trong cic h¢ thirc sau:

A. sin’ a.tana +cos’a.cota +2sina.cosa = tana+cota.

B. ?)(sin4 x+ cos4x) - Z(Sin6 X+ cos6x) =1.

C sin o cos _l-cot’ &
cosa+sina cosa—sina  l+cot’a
D 1+2sinacosa  tana+1
sina—cos’a tana—1
2 2 .
R S cot” x—cos“x sinx.cosx ., ., ...
Cau 156. Biéu thic D = > + c6 gia tri bang
cot™ x cotx
1 1
A. 1. B. -1. C. —. D. ——.
2 2
Cau 157. trong céc h¢ thic sau, h¢ thirc nao sai?
tan’@—tan” # sin’ @ —sin’ sin” & sina+cosa .
> s B. — - > =sin¥—cos« .
tan a.tan”" f  sin” a.sin” S sind—cosa¢  tan” a—1
. 2 ) 2
sina + cot & sin”  + cot” & sin® a0 .
C. : =— —. D.——+tan’ fcos’a=sin’ a+tan’ S.
l+sina.tan @ l+sin” a.tan” @ cos’ 3

Cau 158. Chon h¢ thuc sai trong cic h¢ thirc sau:

sin® +1 1+cos’a 2
A. + +1=(tana+cota) .

2(1 —sin? a') 2(1 —cosza')

1-4sin” x.cos’x _1+tan* x—2tan’ x

B. — — =
4s8in” x.coS"x 4tan’ x
sin x +tan x )
C.——————=1+sinx+cotx.
tan x
COS X 1
D. tan x + =

l1+sinx cosx

Cau 159. Chon h¢ thuc sai trong cic h¢ thirc sau:

tan’a  l+cot’ _ 1+tan* &
l+tan’a cot’a  tan’a+cot’
tan x—sinx _ 1

A.

B.

sin*x  cosx(l+cosx)
C. l+sina+cosa+tana =(1+cosa)(1+tan ).

sin x.sin y

D. tanx.coty+l=———.

COS X.COS y Sin- X

Cau 160. Biéu thiuc E = 2(sin4 x+cos*x+cos’x.sin’ x) (sm x+cos x) c6 gid tri bang

Cau 161. Khi « =§ thi bidu thirc (\/

A. 1. B.2. C. D. -2.

1+sina' 1 sin @
1—sin0{ 1+s1na'

j c6 gid tri bang

A. 2. B. 4. C.8. D. 12.
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Cau 162.

Cau 163.

Cau 164.

Cau 165.

Cau 166.

Cau 167.

Cau 168.

Cau 169.

Cau 170.

1—cosa l+cosex ., ., ...
- cO gia tri bang

Khi =2 thi biéu thitc \/
6 I+cos I-cos
A. 243, B. -2./3. C. 3. D. /3.
1
sina —+/cot” o —cos’«
A N2, B. /2. C. V3. D. /3.

. 2 2 , RV RER
Khi o= Y thi bicu thirc cO gia tri bang

2 1 1 P IU LA T
bé sin x\/ + =+/2 thi cdc gid tricua x céthe la
I+cosx 1-cosx

L xe (o;fj. L xe (f;zj. L. (—f;oj. IV.(—yz;—fj.
2 2 2 2

Tréa 101 nao ding?
A.Tvall B.Ivalll C.IIvalV. D.IvalV..

A | A s
Cho biét sina—cosa = 5 Két qua nao sau day sai?

. ) 7
A. sma.cosa=§. B. sina+cosa=—.
. 21 14
C.sin*a+cos*a=—. D. tan’a+cot’a=—.
32 3
. 4 4 - 10 10
. 1 L .
Néu = a+COS v thi bidu thitc M =0 n a+ o8 n &l bang
a b a+b a b
1 1 1 1 1 1
A. —5+—5 B. T C. —4+—4 D. T
a b (a+b) a b (a+b)
Biét tan x = thi gid tri cia biéu thic A = asin® x—2bsin xcos x+ccos” x bing
a-c
A.A=a. B. A=b. C. A=c. D. Mot két qua khic..

.. . , . . A B . B A . ..
Mot tam gidc ABC ¢6 cac goc A, B,C thoa man SIHECOS3E_SIHECOS3E =0 thi tam giic

doé c6 gi dac bit?

A. Khong c6 gi déc biét. B. Tam gidac d6 vudng.
C. Tam gidc d6 déu. D. Tam gidc d6 can.
Biéu thirc sin| — 147 + ! —tan’ 37 c6 gid tri ding bing
3 . 2297 4
sin”™ ——
4
A. 1+£. B. l—ﬁ. C. 2+£. D. 3—£.
2 2 2 2

Biéu thirc cos (— 237[) - 11 6 + cot 237[ c6 gid tri diing bang
2
cos

3
5 5 5 5

A.—-5. B.5—. C.—-3. D.3——.
2 2 2 2
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. . 1 .
Cau 171. Néu biét sin (x—§j+ sin% =sin (x+%j thi gid tri diing cua cos x 1a
A. 1. B. 1. C.l. D. —l.
2 2
Cau 172. Néu cot1,25.tan (47 +1, 25)—sin(x+§j.cos(67r—x)=0 thi tanx bang
A. 1. B. 1. C.0. D. Gia tri khéc..
Cau 173. Néu cot(x+7£)—tan(x—§j:sinz(—1445°)+cos2(1085°) thi sinx bang
A. -I_-l. B. i‘g. C. il. D. ii.
5 5 5 5
V4 ’ RY/4 ’
CAu 174. Biéu thirc {sin(z—xj+sin(10ﬂ'+ x)} +{cos(7—xj+cos(8ﬂ'—x)} c6 gid trj khong phu
thudc vao x bang
A. 1. B. 2. C.l. D.é.
2 4
177 T ’ 13 ?
Cau 175. Két qua rit gon biéu thirc: {tanT+tan (T_XH +[cotTﬂ.+cot(7ﬂ'—x)} bing
A. _12 : B. 12 : C. 22 : D. 22 :
sin” x COS™ X sin” x COS™ X
R 11 . 1 :
Céu 176. {1+tan2 (Tn—xﬂ[l+cot2 (x—37£)].cos(3§+xj.sm(l17£—x).cos(x—%j.sm(x—77r)
6 két qua rit gon bang
A1, B. 1. C.2. D. 2.
Cau 177. Biéu thirc: cos(270°—x)—2sin (x—450°)+cos (x+900°)+2sin (270° — x) +cos (540° - x) c6
két qua rit gon bang
A. 3cosx. B. 2cosx—sinx. C. —2cosx+sinx. D. —3sinx.
Cau 178. A, B, C, la ba géc cia mt tam gidc. Hay xdc dinh hé thurc sai:
A. sinA=sin(B+C). B. sinA+B:cos%.
C. cos(3A+B+C)=cos2A. D. cos%zsinB—i_C.
Cau 179. A, B, C, la ba géc cia mot tam gidc. Hay tim h¢ thirc sai:
A. sinA=—sin(2A+B+C). B. sinA:—cosM
C. cosC =sin AXE+3C. D. sinC =sin(A+B+2C).
Cau 180. A, B, C, laba géc cia mot tam gidc. Hay chi h¢ thuic sai:
A+B+6C 5C 4A+B+C 3A
A. tan| ———— |=—cot—. B. cot| ——— |=—tan—
C. cos (ﬂj =—sinB. D. sin (Mj =cos2C.
2 2
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tan (—432°) cos(-302°) cos32°

Cau 181. Biéu thuc: + — c6 gid tri diing bang
cot18° 1 1
cos 508° cos122°
A. 2. B. 2. C. 1. D. 1.
: in(—385°) sin(—295° :
Cau 182, Bidu thirc: 5™ 1 ) _sin( 1 ) i ¢6 gid trj diing bing
sin1555° sin4165°  cos(—1050°)
VL B3 ¢ 32 p. 2.
2 2 2 2

sin 515°.cos (—475°) + cot 222°.cot 408°

Ciu 183. Cho A=
cot415°.cot (—505°) + tan197°. tan 73°

. Biéu thurc riit gon ctia A bing

A. lcos2 25°. B. —lcos2 25°. C. lsin2 25°. D. 1 sin’ 25°.
2 2 2 2

cos” 696° + tan (—260°).tan 530° —cos” 156°

Céu 184. Cho B= . Biéu thtrc thu gon nhat ctia B 1a

tan” 252°+ cot? 342°
A. Ltan? 240 B. Leot? 240, . Lanise, D. Leor?18°.
2 2 2 2
in (~328°).5in 958° -508°).cos (~1022° ,
Chu 185. Cho ¢ = S(7328°).51n958" _cos(~508%).cos( ) Rt gon C thi duoe két qui nio
cot572° tan (—212°)
trong bon két qua sau:
Al B. 1. C.0. D. 2.

c0s750°+5sin420°  1+cos1800°. tan (—420°)

Cau 186. Biéu thirc . C6 gid tri ding ban
sin (—330°) —cos (—390°) tan 420° S T CHhe bane
A. 3_?6. B.—3+§ﬁ. C. 6_;‘*6. D.—6+§\6.

I 2sin2550°cos(-188°)

tan 368° 2c0s638°+cos98°
A. 2. B. 2. C. 1. D. 0.

Cau 187. Biéu thic c6 gid tri diing bang

sin (—560°) tan(—1010°)
sin 470° cot 200°

A. sin20°+cos20°. B. sin20°—-co0s20°. C. —sin20°—cos20°. D. cos20°—sin20°.

[1 +5in 500°.cos (—320°)] .cos 2380°

(1—cos410°.c0s2020°).sin (—580°).cot” (=310°)
A. —tan’ 40°. B. —tan’50°. C. —cot’40°. D. —cot*50°.

Cau 188. Biéu thic .cos(—700°) c6 két qua riit gon bang

Cau 189. Biéu thirc

c6 két qua riit gon bang

Cau 190. Biéu thirc tan (-3,17).cos(5,97) —sin (-3,67).cot (=5,67) c6 két qua rit gon bang
A. —sin0,1x. B. 2sin 0,17 . C. —sin0,1x. D. 2cos0,1x.

sin(=3,47)+sin5,67.cos” (-8,17)
sin® (—8,97) +sin 8,97

Cau 191. Biéu thirc ¢6 két qua it gon bang

A. cot0,17. B. —cot0,1x. C. tan0,17. D. —tan0,17.
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Cau 192.

Cau 193.

Cau 194.

Cau 195.

Cau 196.

Cau 197.

Cau 198.

Cau 199.

Cau 200.

sin (—4,87).sin(-5,77) | cos (=6,77).cos(-5,87)
cot(—5,27) tan (—6,27)
A. 2. B. 1. C. -2. D. -1

Biéu thirc

6 két qua rut gon bang

Biéu thic tan(ﬂ'—x).tan(3—ﬂ.+xj.——cos(3—ﬂ.+xj._; sin® (27— x) ¢6
2 Cosz( _3%’) 2 sin (7 —x)

két qua rit gon bang

A. sin’ x. B. cos’ x. C. tan’ x. D. cot’ x.

Bai 3: CONG THUC LUQONG GIAC

Hiy xdc dinh két qua sai:

A sinE N6+ B. cos285° = YO—Y2
12 4 4
oz J6-2 1037 \J6-+2
C.sin—=———. D. sin = .
12 4 12 4
Lo 5(x 3 T o s , N
Néu biét sma':E 5<a'<7r ,cosﬁzg 0<,3<5 thi gid tri ding cua cos(a—f) 1a
A e B. -0 c. 8 p. -1,
65 65 65 65

Néu biét sina = % ,tanb = % va a,b déu 1a cic géc nhon va duong thi sin (a—b) 1a

L2 B~ c. 2L, D. 22
220 220 221 221
Néu tan x =0,5; sinyz% (0° <y <90°) thi tan(x+y) bang
A 2. B. 3. C. 4. D. 5.

X 3 1 N N
Biét cotx = Z,cot y= 7, x,y deéu la géc duong, nhon thi:

T 27 RY/4 Sx
A x+y=—. B. x+y=—. C. x+y=—. D. x+y=—.
XTy 4 XTy 3 XTy 4 XTy 6

tana+tanb =2

Néu biét { thi c4c gid tri cia tana,tanb bang

tan(a+b)=4
A. l,z hodc nguoc lai. B. l,é hodc nguoc lai.
33 2 2
C. 1—£,1+£ hodc nguoc lai. D. 1—£,1+—2 hodc nguoc lai.
2 2 2 2
Vi x,y la hai géc nhon, duwong va tan x =3tan y thi hi¢u $6 x— y s&:
A. Lén hon hoic bang 30°. B. Nho hon hoic bang 30°.
C. L6n hon hodc bang 45°. D. Nho hon hoic bang 45°.
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tan 225° —cot81°.cot69° | .

Cau 201. Gi4 tri diing ctia biéu thirc bang
cot261°+tan 201°
1 1
A —. B. ———. C. 3. D. /3.
NG NG
Ciu 202. Néu a, 3,7 1a ba géc duong va nhon, tan (@ + f3).sin ¥ =cos y thi:
A. a+ﬁ+7:%. B. a+,6+7:§.
C. a+,6+7:§. D. a+ﬁ+7:37”.

Cau 203. Néu sina.cos(a+ ) =sin B véi 0{+,8¢%+k7£, a¢%+lﬂ', (k,le Z) thi:

A. tan(a+ f)=2cotexr. B. tan(a+ f)=2cot 5.
C. tan(a+f)=2tan 3. D. tan(a+ f)=2tancr.

Cau 204. Néu a+ B+ 7/:% va cota +cot ¥ =2cot 3 thi cota.coty bing

A. 3. B. —\/3. C. 3. D. -3.

y 2 .
Cau 205. Biéu thtrc tan x.tan (x+ %j + tan (x+ %j tan (x+?ﬂ-j +tan (x+2?ﬂ-j tan x c6 gid tri khong phu

thudc vao x . Gid tri d6 bang
A. 3. B. -3. C. 1. D. -1.

CAu 206. Néu tan(a+b) =7, tan(a—b) =4 thi gid trj ding cua tan2a 1a

AL B. L. c. -2 D. L2
27 27 27 27

Céu 207. Néu A>0, A> cosb, a+b¢§+kﬂ' va sina = A.sin(a+b) thi tan(a+b) bing

. sinb ' B. sinb . C. ‘cosb . D. cos‘b .
cosh—A A—cosb sinb— A A—sinb
Céu 208. Hiy chi ra cong thuc sai, néu A, B, C 1a ba géc ciia mot tam gidc.

A. cosB.cosC —sin B.sinC+cos A=0.

. B c .C C A
B. sin—cos—+sin—cos— =cos—.
2 2 2 2
C. cos’ A+cos’ B+cos* C—2cos Acos BcosC =1.
B cC .B.C . A
D. cos—cos——sin—sin— =sin—.
2 2 2 2 2
Cau 209. A, B, C 1aba géc ciia mot tam gidc. Trong bon cong thirc sau, c6 mdt cong thirc sai. Hay chi 15:
A. tan A+tan B+tan C =tan A.tan B.tanC.

B. cot A+cot B+cotC =cot A.cot B.cotC.
C. tanétan£+tanEtan£+tan£tané =1.
2 2 2 2 2 2

D. cot A.cot B+cot BcotC+cotC.cotA=1.
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Cau 210.

Trong bdn cong thirc sau, c6 mot cong thirc sai. Hay chi rd:
A. cos(a+b).cos(a—b)=cos’b—sin’a.
B sin(a+b).sin(a—b)

1—tan’ a.cot’ b

=—cos’a.sin’b.
C. cos(17° +a).cos(13° —a)—sin(17° +a).sin(13° —a) =

¥
2,

D. sin’ (a+ f)—sin* a@—sin’ B =2sin a.sin f.cos(a+ f).

.2 . . a2 . a2 .
Céu 211. Biéu thiic sin® x+sin’ (?ﬂ-+ xj+ sin’ (?ﬂ-— xj khong phu thudc vao x va cé két qua rut gon
bang
Az 2 c.2. D. 2.
3 2 4 3
Céu 212. trong bdn cong thirc sau, cé6 mot cong thic sai. Hiy chi rd:
A. sin’ (a—b)+sin’b+2sin(a—b).sinb.cosa =sin’ a.
B. sin15°+tan30°.cos15° = %
sin (50°+
C. cos40° +tan a.sin 40° :¥.
cosa
D. sin(£+aj—sin(£—aj =/2sina.
4 4
Céu 213. trong bdn cong thirc sau, cé6 mot cong thic sai. Hiy chi rd:
tan” x— tan’ y
. =tan(x+y).tanlx—y).
1—tan’ x.tan” y (). tan (x—)
tan(a—b)+tanb cos(a+b)
“tan(a+b)—tanb cos(a—b)
C. tan(a+b)+tana+tanb=tan(a+b).tana.tanb.
sin(a—b)+2cosa.sinb
. =tan(a+b).
2cosa.cosb—cos(a—b)
Cau 214. Hay chi ra cong thtrc sai:
— +b
tana+tanb tana—tanb - Dtanatanb. B. I+tana.tanb _ cos(a+b) '
tan(a+b) tan(a—b) l-tana.tanb cos(a—D)
cos(a+b).cos(a—b in(a+b).sin(a+b
C. (a 2) Z(a )=1—tan2a.tan2b. D. tanza—tanzbzsm(a 2) smga )
cos“a.cosb cos“a.cosb
Cau 215. Biét rang tan @, tan S 1a cdc nghiém ctia phuong trinh x> — px+¢ =0 thé thi gid tri ciia biéu
thirc: A=cos’ (@ + )+ psin(a+ B).cos(a+ B)+gsin’ (a+ ) bang
A p. B. g. C.1. D. 2.
q
CAu 216. Biéu thic sin’ (45°+ @) —sin” (30°— o) —sin15°.cos” (15° +2¥) 6 két qua rit gon bang
A. sin2a. B. cos2«. C. 2sine . D. 2cosc .
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\/gsin(a'+,3)—jcos(a'+,b’)

Cau 217.

khong phu thudc vao a va bang
A. i B. ﬁ

3 3

CAu 218. Biéu thirc rit gon ciia: A =cos’ @+cos” (a+b)—2cosa.cosh.cos(a+b)bing
A. sin’a. B. sin’b. C. cos’a. D. cos’h.
Cau 219. Hay x4ac dinh h¢ thac sai:
A. sin x.cos’ x—cos xsin’ x = s1n44x . B. sin® x+cos* x :L‘?MX .
C. 1+Smx=cot(£+£j D cot2x+tan2x:M
cos X 4 2)- . I1—cos4x
Cau 220. Trong cac hé thurc sau, hé thirc nao sai?
. co§2x :l—tanx. B. 4sina.cosa(1—2sin2a):sin4a.
I+sin2x 1+tanx
C. cos 4a = 8cos ‘a—8cos*a+1. D. cos 4a—4cos 2a+3=8cos*a.
Cau 221. Hay chi rd h¢ thuc sai:
s 2 2
A 23a _ 08 23a =8sin2a. B. cos 4a =sin* a+cos* a—6sin’ a.cos’ a.
sin“a  cos“a
1+sin2
C. cota—tana—2tan2a—4tan4a =8cot8a. D. tan(£+aj _rsined
4 cos2
Céu 222. Néu sina = gthi gid tri ciia cos4a 1A
A2 B. -2 c. 2 p. - 222
625 625 625 625
Cau 223. Néu biét tan o = %(0 <a<90°),tanh = —%(90° < b <180°) thicos (2a —b) c6 gié trj diing bang
Np ) p. Y10, o B p. Y3,
10 10 5 5
Céu 224. Néu sina —cosa = é(135° <a <180°) thi gia tri ding cua tan2a la
A -2 B. 2. c.z p. -2
7 7 7 7
Cau 225. Néu a,b 1a céc géc duong va nhon, sina zé,sinb :% thi cos2(a+b) c6 gid tri ding bang
A 1=206 p, 126 ALY p, 146
18 18 18 18
A 2 .., l+sinda—cosda , . . N
Cau 226. Biéu thuc - co két qua rut gon bang
I1+sin4a+cosda
A. sin2«x . B. cos2«a. C. tan2«x . D. cot2ax

, . 4 . ., .2 ,
Néeu s1n,8:g,0<,3<§,0{¢k7£thiglé tri ciia bi€u thuc A =

C.

sina

J3 3

—. D. —.

5 J5
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sin 2a+4sin*a—4

Cau 227. Biéu thic — c6 két qua riit gon bang
1-8sin” ar—cos4a
A. 2tan* . B. %tan4 a. C. 2cot* . D. %cot4 a
Céu 228. Biéu thuc 3~ dcos2atcos 4 ¢6 két qua rit gon bang
3+4cos2a+cosdo
A. —tan’ @. B. tan* & . C. —cot*ar. D. cot'a
z : sin® 2+ 4sin* & — 4sin” at.cos” & .
Cau 229. Khi a =— thi biéu thirc — — cO gia tri bang
6 4—sin” 2 —4sin” o
Al B. L. c.t D. -
3 6 9 12
. 2cos’ a—1 . .
Cau 230. Biéu thtc cos & c6 két qua ruit gon bang
V4 a7
4tan| ——0o |sin" | —+«
(4 j (4 j
AL B. L. c.l D. -
2 4 8 12
Cau 231. Gi4 tri diing ctia biéu thirc M = cosl.cosz—ﬁ.cos3—ﬁ.cos4—ﬁ.cos5—E.c0s6—ﬂ..cos7—ﬂ. bang
15 15 15 15 15 15 15
AL B. L. c. L. D. L
8 16 64 128

Cau 232.

qué rit gon bang

S . V4 . V4 . RY/4 R A s » Ak LA
Biéu thic sin* x+sin* (x +Zj +sin* (x+5j +sin* (x+7j khdng phu thudc vao x va cé két

A.l. B. 1. C.é. D. 2
2 2
Cau 233. Biét rang 0 < x < VA sin x+cos x :é. Gié tri ding cua tan% la
A. —ﬁ_l. B. —*6—1. C. —*E_l. D. Vo-l
2 2 2 2
Cau 234. Néu tan%z% thi biéu thiic asin x+bcos x bang
A a. B.b. c. 2*b. p. 4*b.
a b

Cau 235.

ding cua cos(a+b) la

LS 1 1 .
Biét rang 90° <a <180°; 0°<b <90° va cos(a—gj:—z, sin(%—bj:g thi gid tri gan

A\ 49+24120 B 49-24120 o, 49-24120 p. ~49+24120
| 7 oo ) 72 ' ) 72 '
Cau 236. Néu tan =L (hi gid tri cita bidu thire — "% bing
2 2 2—-3cosx
A L. B.2. C.3. D. 4
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Cau 237.

Cau 238.

Cau 239.

Cau 240.

Cau 241.

Cau 242.

Cau 243.

Cau 244.

sin x

Néu tan> =2 thi gid tri ciia biéu thirc bing
2 3—-2cosx+5tan x
=y B. -2, LY p. L.
37 37 37 37

N 4 . T RY/4 . N A . L ~ A
Biét sin2x = —g va > <x< v Tim ménh dé sai trong cdc ménh deé sau.

A. sinx+cosx=?. B. sinx—cosx =

-

C. 2sinx—3cosx=—i. D. tan2x:§.

NG

Biét sin x :% VA 90° < x < 180° thi bidu thie SN 2x+cos2x

c6 gia tri bang

1+sin2x—cos2x

A. 242, B. C. 22 D. ——.

242 242

Hay chi ra h¢ thtrc sai:
2 —si

A. sin2(£+aj—sin2(£—a’jzsm a. B. Sma.tan(g+£j=1.

8 8 \/5 cosax 2 4

1—sin?2 )

C. tanz(z—ajzﬂ. D. ZCLMZ:lsta.

4 1+sin2¢ cot'ax—tan"a 4
Néu ta‘tn§:3ta‘tnz thi tanﬂz'gtl’nh theo ¢ bang

2cos @ 2sin 2cos 2sin
" 2sina-1 "2cosa—1" " 2sina+1’ " 2sina-1

Hay chi ra h¢ thuc sai :
A. 4cos(a—f).cos(f—a).cos(y—a)=cos2(a—f)+cos2(f—y)+cos2(y—a).

B. cos2x.sin5x.cos3x = sin10x -+ 8126)”— sin 4x
C. sin40°cos10°.cos8° = sin 58 +SH;42 +sin8 .
D. sina.sin2¢.sin 3¢ = sin4a— s1n46a+ sin 20 .

Trong cdc ménh dé sau. Ménh dé nao sai.

NG

B. c0s10°.cos30°.cos50°.cos 70° = E .

.a . T+a . T—a .
C. 4s1n§.s1n .sin 3 =sina.

a T+a T—a
D. 4cos§.cos .COS =cosda.

3 3
trong cdc khang dinh sau khang dinh nao sai?

3

A. 5in20°5in 40°.sin 80° = <= B. C0527” + C°S47_” M C°S67” -

1
>

- ! —4sin70°=-2.
sin10°

C. tan9°—tan27°—tan 63°+tan81°=4. D.
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Cau 245.

Cau 246.

Cau 247.

Cau 248.

Cau 249.

Trong cac hé thurc sau, hé thirc nao sai?

. V4 . V4
4s1n(x+3j.s1n(x—3j
A. 3-2cosx = 4sine+15°j.sine—15°j.B. tan? x—3= .

cos’x

C. sin’7x—cos?5x =cos12x.cos2x. D. 1+sin x+cosx =22 cos%.cos (%—%j .

Trong cac hé thuc sau, hé thirc nao sai?

A. 1+cosx+cos2x =4cos x.cos £+£ .COS *_z .
2 6 2 6

B. 1+cosx+cos2x+cos3x:4cos§.cos37x.cosx.
C. 3+4cosd4x + cos8x = 4cos’2x.

D. sinx +sin2x +sin3x+ cos x4+ cos 2x+ cos3x = 4\/5003(%+%J.cos (%—%J.cos(bc—%j .

Trong cac hé thuc sau, hé thirc nao sai?

) ( 7[) ( 7[} 2sin2x+\/§
A. sin x+g Cos| x—— |=——m.

6 4

.x .2 1 T 27[)
B. sin—.sin—=—| cos— + cos— |.
5 5 2 5 5

C. sin )c+z .sin )c—z . cos2x=l cos2)c—l cos4x—l.
6 6 4 8 8

D. 8cos x.sin 2x.sin 3x = 2(cos 2x —cos 4x —cos 6x+1).
trong cdc hé thirc sau, hé thirc nao sai?

A. 3 + 4cos® x =4sin(x—60°).sin (x+60°).

B. sin® x—3=4cos(x+30°).cos(x+150°)..

4sin(2x—7rj.sin(2x+ﬂ-j
6 6

cos’x
sin(a+b).sin(a—b)
cos’a.cos’h '
Trong cac hé thuc sau, hé thirc nao sai?
A. sin10°+sin11°+sin15°+sin 16° = 4sin 13°.cos 2°30".cos 0°30’.

C.3 — cot’x=

D. tan’a— tan’h =

) ) ) ) ) . Sa a
B. sina +sin 2a +sin3a + sin 4a = 4 sin a.sm?.cos—.

Sa a
C. cosa+cos2a+cos3a+cosda= 4cosa.cos7.cos5 .

232 cos* £ sin (a +7[j
2 4

D. 1+sina+cosa+tana =

cosa
Cau 250. Trong cac hé thurc sau, hé thirc nao sai?
. —2sin70°=2. B. sin10°sin50°.sin70°:l.
2s8in10° 8
C. c0s10°.cos50°.cos70° = % . D. tan10°.cot40°.cot20° = %
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Cau 251.

Cau 252.

Cau 253.

Cau 254.

Cau 255.

Cau 256.

Cau 257.

Trong cac hé thurc sau, hé thirc nao sai?

NG

A. sin 20°.sin 40°.sin 80° = ? . B. c0s20°.c0s40°.cos80° =

0 | =

C. c0s36°.cos72° = % . D. cot70°.cot50°.cot10° = \/5 .

Két qua bién d6i nao dudi day 1a két qua sai?
A. sin70° —sin 20° +sin 50° = 4co0s10°.cos35°.cos65°.
B. cos46° — c0s22°— 2c0s78° =8sin32°.sin12°.sin 2°.

b (b 7[) (a 7[)
.cos| ——= |.cos| ===
2 4 2 4

D. 1+sinx—c052x=4sinx.sin(§+15°j.cos(§—15°j.

. a—+
C. cosa+cosb+sin(a+b)=4cos

Két qua bién d6i nao dudi day 1a két qua sai?
X
A. 1+2cosx + cos2x=4cosx.cos’ >

B. sinx.cos3x + sin4x.cos2x=sin5x.cosx.
C. cos’x + cos*2x + cos’3x—1= 2cos3x.co82x.COS X
D. sin® x—sin®2x—sin?3x = 2sin3x.sin2x.sin x.
Trong bdn két qua A, B, C, D ¢6 mét Kkét qua sai. Hay chi ro.
tan30° + tan40° + tan50° + tan60° 4 V.4 27
A. =—.. B. cos——cos—=—
c0s 20° 3 5 5 2

T 27 3z 1 27 Y4 6rx 8
C. cos——cos—+cos—=—. D. cos—+cos—+cos—+cos— =0,
7 7 7 2 5 5 5 5

Chon két qua sai trong 4 két qua rit gon cdc biéu thirc sau:

2(sin2x+2cos2x—1) 1 8cos’ 2x

. - - = . B.tanx+tan3x+cotx+cot3x=——"

cosx—sin x—cos3x+sin3x cosx sin 6x
cot” x—cot” 3x sin(x—y) sin(y—z) sin(z—x
> =8cos 2x.cos” x . . ( )+ ( )+ ( )

1+cot” 3x COSX.COSYy COSY.COSZ COSZ.COSX

=0,

Hay chi ra hé thtc bién dbi sai.
£ . . . a b . c
A.N€u a+b =c thi sina+sinb+sinc =4cos—cos—sin—.
2 2 2
. : xX—
B. (sinx—sin y)’ +(cos x—cos y)’ =4 cos’ -2

C. sin x+cos x —sin )c—z +cos )c—Z =\/gcos(x—£j.
6 6 12

D. cos36° —sin18° :%,

Néu sina'+sin,6=a,cosa'+cos,b’=b(|a| S\/E, b| S\/E) thi biéu thirc tan%+tan§ 6 gid trj bing
2a 2b 4a 4b
. B.———. C.——. D.———.
a’+b>+b a’+b*+a a’+b>+2b a’+b’>+2a
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Céu 258. Trong bdn két qua thu gon sau, c6 mot két qua sai. D6 1a két qua nao?
A. 2cot2A.cot A=cot’ A —1,

T 27 27 Y4 47 T
B. cot—.cot—+cot—.cot— +cot—.cot— =1,
7 7 7 7 7 7

C. ! + ! + ! =4,

L2 . L Ar .
sm — Smm —— S ——
7 7

T 27 Y4 T 27 Y4
D. tan — + tan — + tan— = tan —.tan —.tan —.
7 7 7 7 7 7

Céu 259. Néu a =2b via+b+c = thi.... Hiy chon két qua ding.
A. sinb(sinb+sinc)=cos2a. B. sinb(sinb+sinc)=sin2a .

C. sinb(sinb+sinc)=sin’a. D. sinb(sinb+sinc)=cos’ a.
Cau 260. A, B, C 1a 3 g6c ciia mot tam gidc. Trong 4 hé thirc sau c6 1 hé thure sai. D6 1a h¢ thirc nao ?

A.sinA+ sinB +sinC = 4cos§cos§cos%.

B. cosA + cosB +cosC:1+4sin§sin§sin%,

C. sin2A+ sin2B +sin2C = 4sin A.sin B.sinC .
D. cos2A + cos2B +cos2C = 4cosA.cos B.cosC.

Cau 261. Cho A, B, C la ba goc ciia mQt tam gidc. Hay chi ra hé thirc sai:
A. cotA.cot B+cotB.cotC+cotC.cotA=1,
B. cos’A+cos’B+cos’C =1+2cosAcosBcosC .

A B C T—A 7—B 7-C
C. cos—+cos—+cos— =4cos .COS .COS
2 2 2 4 4 4

cos A.cosC + cos(A + B).cos(B + C)
cos A.sinC—sin(A + B).cos(B + C)
Cau 262. Tinh sin105° ta duoc:

=cotC.

Jo-1 Jo-1 J6+:2 Jo+43
A ——. B.——. C.———. D.————.
4 4 4 4
Cau 263. Tinh cos105° ta duoc:
Jo-1 Jo-1 J6+:2 Jo+43
A ——. B.——. cC.———. D.———.
4 4 4 4
Cau 264. Tinh tan105° ta duoc:
A. —(2+43). B. 2+/3. C.2-3. D. —-(2-+3).
Cau 265. Tinh sin165° ta duoc:
J6- Jo-1 J6+:2 Jo+43
A ——. B.——. cC.——. D.————.
4 4 4 4
Cau 266. Tinh cos165° ta duoc:
J6-h Jo-1 J6+:2 Jo+43
A ——. B.——. cC.———. D.————.
4 4 4 4
Cau 267. Tinh tan165° ta duoc:
A. 2-4/3. B. 2+4/3. C.2-3. D. —2++/3.
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Cau 268. Tinh M = cos10°cos 20°cos 40°cos 80° ta dugc M la

A M :icos10°. B. M :lcos10°. C.M :lcos10°. D. M :lcos10°.
16 2 4 8

Cau 269. Goi M =cos*15°—sin*15° thi:

A. M =1. B.M:Q. C.M:l. D. M =0
2 4
Céu 270. Goi M =cos®15°—sin®15° thi:
A. M =1. B.M:l. C.M:l. D.Mzﬂ.
2 4 32
Cau 271. Goi M =(cos*15°—sin*15°)—(cos”15°—sin”15°) thi:
A. M =1. B.M:l. C.M:l. D. M =0.
2 4
Cau 272. Goi M =(cos*15°—sin*15°)+(cos” 15°—sin”15°) thi:
A. M =+3. B.M:%. C.M:%. D. M =0.
Cau 273. Goi M =1+sin2x+cos2x thi:
A. M =2cosx.(sin x—cos x). B. M = cosx.(sin x+cos x).
CM :ﬁcosx.cos(x—%j. D. M :Zﬁcosx.cos(x—%j.
Cau 274. Goi M =cos x+cos2x+cos3x thi:
1
A. M =2cos2x(cosx+1). B. M :4cos2x.(§+cosxj.
CM =2cos2x.cos(£+£j.cos(£—£j. D. M =4cos2x.cos(£+£j.cos(£—£j.
2 6 2 6 2 6 2 6
Cau 275. Goi M =tanx—tan y thi:
i (x4 o _
A. M=tan(x—y). B. M:M' C. M:M' D. M:M'
COS X.COS ¥ COS X.COS Y 1+ tan x.tan y
Cau 276. Goi M =tan x+tan y thi:
i (x4 . _
A M =tnxstany. By =520 ey sinlemy) oy, anactny
COS X.COS Y COS X.COS Y 1+ tan x.tan y
Cau 277. Goi M =cotx—coty thi:
i (ot . 3
A. M =cot(x—y). By = Sn0Hy) oy, sin(y=x) o, tanattany
sin x.siny sin x.sin y I—tan x.tan y
Cau 278. Goi M =cotx+cot y thi:
i (x4 . 3 _
A. M =cot(x—y). B ag = Snr*y) oy sin(y=x) o cotycota—l
s1n x.siny sin x.siny cot y—cotx
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Cau 279.

Cau 280.

Cau 281.

Cau 282.

Cau 283.

Cau 284.

Cau 285.

CONG THOC LUQNG GIAC TAI LIEU HOC TAP TOAN 10
Goi M = ! + I + 1 thi:
cos10°cos20°  cos20°.cos30° cos30°.cos40°
A M =— ! . B. M =tan40°—tan 20°.
sin 20°.cos 40°
C. M= ! . D. M c6 két qua khic véi cac két qua néu trén.
2¢0s10°.cos40°
Cho A, B, C lacac goc cua tam gidc ABC thi:

A. sin2A+sin2B+sin2C =4cos A.cos B.cos C .
B. sin2A+sin2B +sin2C =—4cos A.cos B.cosC .
C. sin2A+sin2B+sin2C =4sin A.sin B.sin C .
D. sin2A+sin2B+s8in2C =4sin A.sin B.sinC .

Cho A, B, C lacéac gbc cuatam gidc ABC (khong phai tam gidc vudng) thi:

A. tanA+tan B+tanC :tan%.tang.tan%.

B. tanA+tan B+tanC =—tan%.tan§.tan%.

C. tanA+tan B+tan C =—tan A.tan B.tan C .
D. tan A+tan B+tan C =tan A.tan B.tan C .

Cho A, B, C lacéac goc cua tam gidc ABC (khong phai tam gidc vudng) thi:

A B C A B C
A. cot—+cot—+cot— =cot—.cot—.cot—.

2 2 2 2 2 2

A B C A B C
B. cot—+cot—+cot— =—cot—.cot—.cot—.

2 2 2 2 2 2
C. cot%+cot§+cot% =cot A.cot B.cotC .

D. cot%+cot§+cot% =—cot A.cot B.cotC .

. A B B A
Cho A, B, Cla cac goc cua tam gidc ABC thi tan —.tan—+ tan—.tan£+ tang.tan— =.
2 2 2 2 2 2
A. 1. B. -1.
A B _CY
C. tanE.tanE.tanE . D. Mot két qua khic cac két qua da néu trén.
Cho A,B,C la cic g6c cua tam gidc ABC (khong 1a tam gidc vudng)
cot A.cot B+cot B.cotC +cotC.cotA=.
A. 1. B. -1.
C. (cot A.cot B.cotC)’. D. Mot két qua khac cdc két qua da néu trén.
Cho A, B, Cla cdc géc cua tam gidc ABC thi:

A. cosA+cosB+cosC :1—4siné.sin£.sin£.
2 2 2
B. cosA+cos B+cosC :1+4sin§.sin§.sin%.

C. cosA+cosB+cosC :1—4cos§.cos§.cos% .

D. cosA+cosB+cosC :1+4cos§.cos§.cos%.

thi
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Cau 286. Cho A, B, C'la cic goc cua tam gidc ABC thi.
A. sin2A+sin2B < 2sinC. B. sin2A+sin2B > 2sinC .
C. sin2A+sin2B =2sinC. D. sin2A+sin2B > 2sinC.

Cau 287. Goi M = cos27ﬂ.+cos47—ﬁ+cos67ﬂ. thi:

A.M=0. B.M=—%. C.M=1. D.M=2.

Céu 288. Goi M =cos(a+b).cos(a—b)—sin(a+b).sin(a—b) thi:

A. M =1-2cos’a. B. M =1-2sina. C. M =cos4a. D. M =sin4a.
Céu 289. Goi M =cos(a+b).cos(a—b)+sin(a+b).sin(a—b) thi:

A. M =1-2sin’b. B. M =1+2sin’b. C. M =cos4b. D. M =sin4b.

Cau 290. Rut gon biéu thirc: cos 54°cos 4°—cos 36°cos 86°, ta dugc:
A. cos50°. B. cos58°. C. sin50°. D. sin58°.

CAu 291. Rit gon biéu thirc sin (a—17°).cos (a+13°)—sin (a+13°).cos(a—17°), ta dwoc

A. sin2a. B. cos2a. C. —l. D. l

2 2
A ., .2 , T T
Cau 292. Rut gon bicu thirc cos ()H_Zj —CoS (x _Zj ta duoc

A. \/Esinx. B. —\/Esinx. C. \/Ecosx. D. —\/Ecosx.

Cau 293. Cho A, B,C la ba géc cua mdt tam gidc. HE thirc nao sau day sai?

B cC .B.C . A
A. cos—cos——sin—sin— =sin—.
2 2 2 2 2
B. tan A+tan B+tanC =tan A.tan B.tanC .

C. cotA+cotB+cotC=cot A.cot B.cotC.

A B B C C A
D. tan—.tan—+tan—.tan—+tan—.tan—=1.
2 2 2 2 2 2

Cau 294. Cho biéu thic A =sin* (a+b) —sin> a —sin’ b . Hiy chon két qua diing
A. A=2cosa.sinb.sin(a+b). B. A=2sina.cosh.cos(a+b).

C. A=2cosa.cosh.cos(a+b). D. A=2sina.sinb.cos(a+b).

Cau 295. Cho A,B,C la ba géc cua mot tam gidc. Hay chon h¢ thirc ding trong céc hé thirc sau:

A. cos’ A+cos® B+cos’C =1+cos A.cos B.cosC.

B. cos’ A+cos* B+cos’ C = 1-cos A.cos B.cosC..

C. cos* A+cos’ B+cos>C=1+2cos A.cos B.cosC .

D. cos* A+cos’ B+cos*C =1-2cos A.cos B.cos C .

1 1 1 , .
Cau 296. Cho A, B,C laba la cdc géc nhon va tanA:E, tanBzg, tanng. Téng A+ B+C bang
Az B.~. c.Z. p. Z.
6 5 4 3
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4 o+
4 3sin (a+p) —COS\(fﬁ)
Cau 297. Biét sin ==, 0< f<Z va a#kx . Gid tri cua biéu thirc A= , 3
5 2 sin &
khong phu thudc vao o va bang
A.ﬁ. B.i. C.ﬁ. D.i.
3 J3 5 J5
A e, L2 , 377 N
Cau 298. Gia tri cua biéu thuc COSF bang
J6+:2 62 J6+:2 NG
A ——. B. ——. C.—————. D. ——.
4 4 4 4
Cau 299. Cho hai géc nhon a va b véi tana :% va tanb :%. Tinha+b
AZ B.Z. c.zZ. p.Z.
3 4 6 2
Cau 300. Chocota =15, gid tri sin2a bang
il B 13 St b, 17
113 113 113 113
Cau 301. Cho hai géc nhon a va b véi sina :%,sinb:%. Gid tri ciia sin2(a+b) 1a
A 2J2+73 B 32+73 C 42 +73 D 5V2+73
B £ ©18 B £ © 18
Cau 302. Néu tan p —4tanZ 5 thi tan —— p-a 5 bang
. 3sin B. 3sinx C. 3coso D. 3cosx
5-3cosx 5+3cosx 5-3cosx 5+3cosx
2 . _ .
Céu 303. Biéu thire A== 2a+y3sinda—1 o qué rdt gon I
2sin’ 2 ++/3sindar—1
cos(4ar+30°) B cos (4a—30°) sin (4 +30°) D sin (4 —30°)
" cos (4 —30°) " cos(4a+30°) " sin (4ar—30°) " sin (4a+30°)
Cau 304. Biéu thiic A = cos” x+cos’ (§+ xj +cos ( j ong phu thudc x va bang
A2 B. 2 c.2 D. 2
4 3 2 3
Cau 305. Két qua ndo sau déy sai ?
A. sin33°+cos60° = cos3° B. ?1n9 = s‘1n12
sin48° sin81°
C. c0s20°+2sin” 55° = 1++/25in65° po— L, 1 _\3
c0s290°  /3sin250° 4
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Cau 306. Gia tri ding cua cos 277[ + cos 477[ +cos 677[ bang

AL B. - c.t D. -
2 2 4 4
Cau 307. Téng A =tan9°+cot 9°+tan15°+cot 15° —tan 27° — cot 27° bang
A. 4 B. 4 C.8 D. -8
Cau 308. Néu 5sina =3sin(a+24) thi:
A. tan(a+ f)=2tan S B. tan(a+ ) =3tan S
C. tan(a+f)=4tan B D. tan(a+ fB)=5tan

Cau 309. Biét cos(a—éj:l va sin(a—éj>0; sin(g—b =3 va cos| L-b |>0. Gid tri cos(a+b)
2) 2 2 2 5 2

bang

A 243 -7 B 7-24/3 c. 223 -7 DL 7-223
50 50 50 50

Cau 310. Cho cota =—3v/2 véi % <a <. Khidé gid tri tan%+ cot% bing

A. 2419 . B. 24/19. C. 19—, D. J19.
Cau 311. Cho cos15°=@. Gi4 tri cia tan15° bang
A.3-2. B. “zgﬁ. C. 2-43. D. 2+4\5'

tan> a—sin’ a
2 2
cot“a—cos a

A. tan’ & . B. cos’ . C. tan* . D. sin«.

Cau 312. Biéu thic rit gon ciia A= bang

Cau 313. Gid tri cta cdc ham s luong gide sin%”;sm%” 1an luot bing

e B NG NoE
A ——. B. ——;—. C.—;—. D. —;—.
2 2 2 2 22 2 2
Cau 314. Gid tricta cot1485° 1a
A. 1. B. 1. C. 0. D. Khong xéc dinh.

Cau 315. Cho sina :g va §< a<rx. Gidtricua cosa la

4
A. i B. —i. C. t—. D. Bép an khéc.
5 5 5
Céu 316. Cho sin @ = > va 90° < & < 180°. Gid trj ciia bidu thie E = oL =2@0& 1
5 tana +3cotox
A2 B. -2 c. X p. &
57 57 57 57
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3sina+cosa

Céu 317. Cho tana =2. Gid tri ciia biéu thic A="——"—"""=" 13
sina —cosa
A. 5. B. é C. 7. D. Z
3 3

CAu 318. Riit gon biéu thirc P = cos (120°+ x) +cos(120°—x)—cos x ta dugc két qua I

A. 0. B. —cos x.
C. —2cos x. D. sinx—cosx.

Céu 319. Chon khing dinh sai trong cdc khiang dinh sau:

A. cos2a = cos’a—sin’ a. B. cos2a =1-2cos’a.
C. cos2a =1-2sin’a. D. cos2a=2cos’a—1.
Cau 320. Cho cosa :%;sina >0 va sinbz%;cosb<0. Gia tri cua cos(a+b) lIa
A.g l+ﬂ . B. —é 1+£ . C.é l—ﬁ . D. —é l—ﬁ .
5 4 5 4 5 4 5 4
Cau 321. Cho sina:%;cosa<0 va cosb:%;sinb>0. Gid tri cua sin(a—»b) 1a
1 9 1 9
A L2 B.-1(7-2)
5( 4} 5( 4j
1 9 1 9
C.—|7+2| D. —|J7-=|.
7+ -3
CAu 322. Cho hai géc nhon a va b. Biét cosa :%; cosb :iGié tri cia P =cos(a+b)cos(a—b) bing
A. LB B. ﬂ C. ﬁ D. ng
144 144 144 144

Cau 323. Biéu thitc M = cos(—53°).sin (—337°)+sin (307°).sin (113°) c6 gid tri bang

AL B. L c. B p. 33,
2 2 2 2
Cau 324. Gid tri ding cta tanz—’il +tan2” bing
A. 2(N6-+3). B. 2(V/6 +/3).
C. 2(v3-42). D. 2(\3+42).
Cau 325. Biéu thic A =— —2sin70° ¢6 gid tri dling bang
2sin10°
A. 1. B. 1. C. 2. D. 2.
Cau 326. Tich s6 cos10°cos30°cos50°cos70° bing
L B. L c.>. p. L.
16 8 16 4
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Cau 327.

Cau 328.

Cau 329.

Cau 330.

Cau 331.

Cau 332.

Cau 333.

Tich sb cosz.cos4—ﬂ-.cos5—” bing
7 7
AL B. . c.t . -1
8 8 4 4

X T , A N ne A A A . )
Bict a+ [+ 7/25 va cota,cot 3, coty theo thtr tu 1ap thanh mot cap s6 cong. Tich so

cota.cot ¥ bang

A. 2. B. -2. C. 3. D. 3.
N 2 2 N 5 3 1 A M
Cho x, y 1a cic gbc nhon va duong thoa cot x :Z,cot y :7. Tong x + y bang
AZ B. %, c.Z D. 7.
4 4 3
Gid tri dding ciia bidu thirc A = tan 30° + tan 40° + tan 50° + tan 60 biing
cos 20°
A — c. S D

B. L 8
J3 3 J3 3
Gi4 tri ctia biéu thirc A = tan® %+ tan’ ?—;[ bang
A. 14, B. 16. C. 18. D. 10.

Xéc dinh hé thurc sai trong cic h¢ thirc sau:
cos(40°- )
cosar

NG

B. sin15°+tan 30°.cos15° :T'

A. c0s40°+tan &r.sin 40° =

C. cos® x—2cos a.cos x.cos(a+ x)+cos’ (a+x) =sin’ a.
D. sin® x+2sin(a—x).sinx.cosa+sin’ (a — x) = cos’ a.
. "
sin x +sin =

Biéu thirc 2 bang
X
14+ cos x+cos 5

A. tan%. B. cotx. C. tan’ (%—x}. D. sinx.
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B - BANG DAP AN.

819 1011121314 |15]16 |17 |18 |19 |20
B|D| DD/ D|ID/D/A|D D|]C|]C]|D

(O8]
W
(@)
3

vs]
(WA}
>
>
>
o
o

21 |22 123124 2526|2728 29 30|31 32|33 |34|35|36|37]38|39]40
D/ A/D/ D/D/IA|D/ D/ B|/D/B|DID|IA|C|D|C|B|B]|D

41 |42 |43 |44 | 45146 |47 |48 |49 |50 | 51 |52 |53 |54 |55 |56 |57 |58 |59 |60
CIA|D|C|IA|B| D/ D/ D/ B|{A B|B|A|B|D|B|B|D|D

61 | 6263 |64 |65|66|67 68|69 |70 7172|7374 75|76 77|78 |79 |80
CIBIA|IDIA|ID/IAJAJA|B|]C]|]C|D/A|B/A|JC|D|D]|C

81 | 82 |83 |84 |85 |86 |87 8889091929394 9519 |97 9899 100
AJC/DIA|B|/D|C|]D|]C]|B|]C]D|C]A|JC|]C|D|B|]C]C

101102103104 |105|106|107 108|109 110|111 |112|113|114|115|116|117|118|119]120
C|B|B|D/B|D|B|]C|]D|]A|B|]C]C]C|B|]C|]C]|B|JA]|C
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1411421143144 145|146 |147 148|149 150|151 152|153 154 | 155|156 157|158 159|160
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161162163164 |165|166|167 168|169 170|171 172|173 |174|175|176|177|178|179]180

181182183184 |185|186|187 188|189 |190|191|192|193|194|195]|196|197|198|199|200

201|202 |203|204 |205|206|207|208 (209|210 (211|212 (213|214 |215|216|217|218|219|220
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CHUONG 2: HE THUT LUQNG TRONG TAM GIAC

Chii dé S:) TICH VO HUONG & UNG DUNG

V&n dé 3. HE THUC LUQGNG TRONG TAM GIAC

A - TOM TAT LY THUYET

Qui woc ki hiéu ditng cho AABC :
® Do dai cdc canh: BC=a, CA=b, AB=c

® Do dai cdc duwong cao vé tir cdc dinh A, B,C:h

a’ hb’ hc
e D¢ dai cdc dwong phan gidc vé tir cdc dinh A, B,C:1,, I, [,
e Bdn kinh dwong tron ngoai tiép, néi tiép tam gidc: R, r
® Nua chu vi tam gidc: p
e Dié¢n tich tam gidc: S
1. Dinh li cosin:
e BC*=AB*+AC*-2AB.ACcosA hay a*>=b*>+c*—2bccosA
e AC?=AB*+BC*-2AB.BCcosB hay b*=a’+c*—2accosB

e AB*=AC*+BC*-2AC.BCcosC hay c*=a’+b*—2abcosC

e D¢ dai cdc dwong trung tuyén vé tir cdc dinh A, B,C: m,, m,, m,.

3. Dé dai trung tuyén: m, =

mb mc
2 4 2 4 2

4. Dién tich tam gidc:

laha :lbhb :lChC cC b
f ? 1 ? 1 h“ «
—bcsinA=—acsin B=—absinC

§=12 2 2 [ 1
abe _ ¢
ar P
Jp(p=a)(p-b)(p-c) (Hering)

“+ MOt sé kié€n thirc cdn nhd:
5. Hé thic lwong trong tam gidc vuong:

@ AB?>=BH.BC
@ BC?=AB*+ AC?

@1 1+1

AH.  AB. AC?

@
®

@

AC*=CH.BC (3 AH?=HB.HC
AH.BC = AB.AC

HB _ AB’

HC AC?

c

c&

B a C

b*+ct—a? a’+c?—b* a’+b* —c?
Hé qua: cosA=————;cosB=————;c0sC =———
2bc 2ac 2ab
2. Dinhlisin: —— =0 ¢ _op
sinA sinB sinC
b+t a’ a+c’ b a’+b’
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TAI LIEU HOC TAP TOAN 10

6. Ti 86 lupng gidc ciia géc nhon:

@D sinB= doi =£ @ cosB= ke =£
huyen BC huyen  BC

3 tan doz AC @ cotB:k—e.:ﬁ
ke AB doi AC

7. Mot aé' tam gidc, bt gidc diic biét
a) Tam gidc déu
Cho AABC déu cé dé dai canh la a, duong cao AH =h:

_(canh)X\/g_a\/g _(canh)zxx/g_a2 3
@ h= > == @ s= " =

b) Tam gidc nita déu
Cho AABC la nira tam gidc déu c6 do dai canh la a:

/g\
B C

X B va C la hai goc phu nhau: sin B=cosC, cosB=sinC, tanB=cotC, cotB=tanC

Dantl et el o

¢) Tam gidc vuéng cén

Cho AABC vudng can tai A ¢6 d¢ dai canh bang a, canh huyén d :

A
N

Y

d a
Dd=av2 @a=—% @ S=—
NG 2 A
d) Hinh vuéng B C
Cho hinh vuong ABCD ¢ d¢ dai canh bang a, dwong chéo d : J
d a
D d=a2 @ GZT ® s=a
2 A D A D
e) Hinh binh hanh:
Dien tich: S ,,., = BC.AH = AB.AD.sin A L
2y . B H C A
f) Hinh thoi: L
e Diéntich: S :%AC.BD = AB.AD.sin A B ’ D
o Dc biét: khi ABC =60° hodc BAC =120° C
thi cdc tam gidc ABC, ACD déu.
g) Hinh chir nhat: A D
S scp =AB.AD A D
h) Hinh thang: B C
L
¢ _(AD+BC).AH 2 c
ABCD 2
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B - PHUONG PHAP GIAI TOAN

HDang 1. Tinh toan cac dai lwvgng

| - PHUONG PHAP GIAI

v’ Van dung cdc dinh Ii sin, cossin, trung tuyén, dién tich.
v Chii ¥ cdc quan hé truc tiep va quan hé trung gian gitta cdc dai luong cho va dai
lirong can tinh, cdc tam gidc déc biét.

Il - BAI TAP MAU

Vidu 1. Cho tam gidc ABC c6 A =120°, AB=1va AC=2.
a) Tinh BC. b) Trén tia CA kéo dai lay diém D sao cho BD =2. Tinh AD .
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Vidu4. Cho tam gidc ABC c6 AB=6, AC=8 va A =60°.
a) Tinh dién tich AABC.
b) Goi / la tdm duong tron ngoai tiép AABC . Tinh dién tich AIBC .
¢) Tinh ban kinh dudng tron ndi tiép AABC.

d) Tinh d¢ dai duong phan gidc trong cua A

Vidu 5. Cho tam gidc ABC c6 B= 45°, C=75° va dudng phan gidc trong AD =4. Tinh canh AC,
BC, AB vaban kinh duong tron ngoai tiép AABC .
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Vidu 6. Cho tam gidc ABC c6 m, =4, m, =2 va a=3. Tinh d6 dai cic canh AB va AC.

Il - BAI TAP TU LUYEN

Bail. Cho AABC, biét:
a) a=12, b=13,c=15.Tinh cos A vagoc A.

b) a=2V3, b=2v2, c=\6 -2 . Tinh A, B, h, va I,.

¢) c=3cm,a=5cm, b=6cm.Tinh S, h, va R.

d) a=7,b=8,c=6.Tinhm,, S, h,.

e) azx/g, b=2, c=\/§+1.Tfnhcécgéccﬁatamgiéc, R, m,.

D a=v3,b=2, c=2(V6+32). Tih A, B, €, R.S.
g) AB=2, AC=3, BC=4.Tinh r.

h) a=13, b=14, ¢c=15.Tinh S, h,, R, r.

i) a=21,b=17,c=10.Tinh S, b, r, m,.

i) A =60°, B =45°,b=4.Tinh a va c.

k) A =60°, a=6.Tinh R.

) A=60°,b=20,c=25.TinhS,h,R,r.

m)A =60°, AB=5cm, BC=7cm. Tinh AC, R, r, h,.

n) A =120°, AB=6cm, AC=10cm . Tinh BC, R, S .
0)b=7,c=5,cosA=0,6.Tinh S, R va r.

p) AB=3, AC=4, S =3/3. TihBC.
qQ A =120°, BC=7cm, AC=5cm.Tinh AB, R, r, m,, L .
r) AC=13cm, AB+BC=22cm, B =60°. Tinh AB, BC.
Bai 2. AABC ¢6 a=5,b=4, ¢c=3.Lay D dbixing véi B qua C.Tinh AD.

Bai3. Cho AABC.Biét a=3, b=4, ¢ =6. Tinh géc 16n nhat va duong cao ing véi canh 16n nhat.
Bai4. Cho AABC. Biét AB+BC=11cm (AB> BC), B =60°. Bén kinh duong tron noi tiép trong

AABC la icm. Tinh d§ dai dudong cao AH .

NE
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Bai 5.

Bai 6.
Bai 7.

Bai 8.

Bai 9.

Cho AABC ¢6 AB=8, AC=9, BC=10. Mot diém M nim trén canh BC sao cho BM =7.
Tinh d¢ dai doan thing AM .

Cho hinh binh hanh ABCD ¢6 AB=4, BC=5, BD=7.Tinh AC.

Cho AABC c6 d6 dai 3 trung tuyén bang 15, 18, 27.

a) Tinh dién tich cia AABC. b) Tinh d0 dai cac canh cia AABC .
Cho AABC vudngtai A ¢c6 AB=5, AC =12, dudong cao AH .

a) Tinh ban kinh duong tron ngoai tiép, ndi tiép AABC.

b) V€ phan giac trong AD . Tinh DB, DC, AD.

Cho AABC vudng tai A cé B =60°, C =45°, BC=a.

J6 -2
4

a) Tinh AB, AC. b) Chirng minh: cos75° =

HDang 2. Chirng minh hé thirg

| - PHUONG PHAP GIAI

v Vién dung cdc phiong phdp chung dé chimg minh dang thirc; bién doi vé nay sang vé
kia, bién doi tuwong dwrong hodc so sdnh véi biéu thirc trung gian, i 1é thirc, ...

v Sir dung cdc dinh co bdn vé tam gidc, tam gidc vudng: dinh I Pitago, dinh Ii duong
trung tuyén trong tam gidc vuong, ...

Il - BAI TAP MAU

Vidu7.

Cho tam gidc ABC.

talnA_c2+az—b2

tanB +b’-a*’

b) Biét a=4,b=5, c=6.Tinh gid tri ciia sin A—2sin B+sinC.

a) Chirng minh
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Vidu8. Cho tam gidc ABC . Trén canh AB, AC lan luot ldy 2 diém M , N . C/m Sumv _ AM AN :
Swe AB AC

2, ,.2_ 2 20 p gt
a) cotA:u. b) cotA+cotB+cotC=u.
48 45
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I - BAI TAP TU LUYEN

Bai 10. Cho AABC c¢6 G la trong tim. Chirng minh rang:

a) m; +m; +m :%(a2+b2+c2) b) GA’+GB* +GC® =%(a2+b2+c2)

Bai 11. Cho AABC . Chung minh:

a) b>—c*=a(b.cosC—c.cosB). b) (b*—c*)cos A=a(c.cosC—b.cos B).

Bai12. Cho AABC c6 b — ¢ :%. Chirg minh:

a) sinA=2sinB-2sinC. b) in—i.
2h, h, h
Bai 13. Cho AABC c6 b+c =2a.Chiung minh:
a) 2sinA=sinB+sinC . b) £=i+i
a hb hc

HDang 3. Dang tam giac

| - PHUONG PHAP GIAI

A =90°
v AABC vubngtai A <|cosA=0
a’=b"+c’
b=c -
~ A~ 2 Chiu y: Sur dung phoi hop cdc
y o B=C ‘ ,
AABC cantai A & hé thirc co ban vé tam gidc, bién

sin B=sinC
cos B = cos C doi vé tich so bang 0, bién doi

da=b=c t6ng binh phiong, cdc bdt ding

v ABC déu < 1’4\:%:6 thuwrc co ban, so sdanh, ...

a=bval gbc=60°

v AABC nhon < A, B, C déu nhon

Il - BAI TAP MAU

Vi du 11. Cho AABC . Chimg minh cic khang dinh sau:
a) G6c A nhon khi va chi khi a® <b* +¢?.
b) G6c A vudng khi va chi khi a® =b*>+c>.
¢) G6c A tu khi va chi khia® >b* +c>.
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Vi du 12. Tam gidc ABC thda hé thic: ¢* — Z(a2 +b2)c2 +a* +a’h* +b* =0. Ching minh raing: AABC

¢6 C =60° hoic C=120°.
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I - BAI TAP TU LUYEN

Bai 14. Tam gidc ABC thoa hé thic: b(h* —a*)=c(c? —a*). CMR: AABC cintai A hay A=120°.
Bai 15. Tinh géc A cua AABC thoa: b(a2 —bz) :c(a2 —cz).

Bai 16. Cho AABC ¢6 a=22, b=2 va C =30°. Chtrng minh tam gidc ABC can. Tinh dién tich va
chiéu cao £, .

Bail7. Cho a=x>+x+1, b=2x+1, c=x"—1. Pinh x d a,b,cla dd dai 3 canh mot tam giéc.
V6i x vira tim dugc, ching minh rang tam gidc ¢6 1 géc bang 120°.
Bai 18. a) Cho AABC biét a=7, b=8,c=5. Chiing minh AABC c6 1 géc 60°.

53

b) Cho AABC biét A=60°, a=10, r= =~ Chimg minh AABC déu.

sinA_ sinB _sinC
3 2
b+ -d’ .
Bai 20. Ching minh ring AABC déu &4 b+c—a
a=2bcosC

Bai 19. Tinh cdc géc ciia AABC néu c6

Bai21. Xét dang AABC néu c6:
a+c-b’ _p?
l+cosB  2a+c atc—b

a = b
) sin® B 442 -2 )

; ¢) S=p(p-a)
sinA.sinCzZ

HDang 4. Giai tam giac va irng dung thuc té

| - PHUONG PHAP GIAI

v Gidi tam gidc la tim cdc cdc canh va cde géc con lai sau khi biét cdc gid thiét: cho ba
canh, hai canh va mot goc, mot canh va hai goc. Van dung cdc dinh i sin, cosin voi
chii ¥y A + B+C =180° dé tinh todn.

v’ Ung dung thure té 1a chuyén cdc bai todn thuc té thanh bai todn tam gidc, cho biét yéu
16 xdc dinh réi tim dai lwong nao do.

Il - BAI TAP MAU

Vi du 14. Cho tam gidc ABC.Biét a=17,4; B =44°30/, C =64°. Tinhgéc A va cdc canh b, c.
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Vi du 17. Dé 1ap dudng day cao thé tir vitri A dén vi tri B, ta phai trdnh mot ngon ndi nén ngudi ta phai
ndi thang duong day tir vi tri A dén vi tri C dai 10 km rdi ni tir vi tri C thing dén vi tri B
dai 8 km. Géc tao boi hai doan didy AC va CB la 75°. Hoi so voi viéc ndi thang tir A dén

ngudi ta ton thém bao nhiéu km day?
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Vi du 18. Gia sit CD =h 1a chiéu cao cua thap trong d6 C 1a chan thap. Chon hai diém A, B trén mit
dat sao cho ba diém A, B, C thang hang. Ta do khoang cich AB va céc géc C/‘A?), CBD .
Chéng han ta do dwgc AB=24m, CAD=q = 63°, CBD = 3 =48° . Tinh chiéu cao cua thdp.

Vi du 19. DBé do khoang cich tir mot diém A dén gdc ciy C trén cii lao giita sdng, ngudi ta chon mot
diém B ciing & trén bd v6i A sao cho tir A va B c¢6 thé nhin thiy diém C. Biét AB=40m,

CAB = =45°, CBA==70°. Tinh khoang cich tir mot diém A dén ebc cay C.
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Vi du 20. Mubn do chiéu cao ctia Thidp Cham Por Klong Garai ¢ tinh Ninh Thuén, ngudi ta laayshai diém
A va B trén mit dat c6 khoang cich AB=12m cing thing hang v&i chan C cua thap dé dat

hai gidc ké. Chan cia gidc ké c6 chiéu cao h=1,3m. Goi D la dinh thdp va hai diém A, B,

cing thing hang véi C, thudc chidu cao CD cua thap. Nguoi ta do duoc lﬂla =49° va

lﬁla =35°. Tinh chiéu cao CD cua thap d6.

D
............................................................. Cl N Al » B1
............................................................. 1.3m 12m
............................................................. C A 12m B

Vi du 21. Hai chiéc tau thiy cing xudt phét tir mot vi tri A, di thing theo hai huéng tao véi nhau géc
60°. Tau B chay véi téc d6 20 hai i mot gio. Tau C chay véi téc do 15 hait If mot gior . Sau 2
gi0, hai tau cach nhau bao nhi€u hai 1i ?
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I - BAI TAP TU LUYEN

Bai22. Giai tam gidc ABC, biét:
a) c=14; A =60°; B =40°, b) b=4,5; A =45°; C =75°
¢) €=35; A =40°;C =120° d) a=137,5; B =60°; C =40°.

Bai23. Giai tam gidc ABC, biét:
a) a=6,3; b=6,3; C =54° b) b=32; c=45; A =87°
¢) a=7;b=23; C =130° d) b=14; c=10; A =145°

Bai24. Giai tam gidc ABC, biét:
a) a=14;b=18;¢c=20 b) a=6;b=7,3;c=4,8
) a=4;b=5;c=7 d) a=2V3;b=2V2; c=\6-V2

Bai25. Tirhaivitri A vi B ciia mot toa nhd, ngudi ta quan st dinh C cia ngon ndi. Biét rang do
cao AB bang 70 m, phuwong nhin AC tao véi phwong nim ngang géc 30° phuong nhin BC
tao v4i phwong ndm ngang géc 15°30° . Hoi ngon niii d6 cao bao nhiéu mét so véi mat dat?

C

Bai 26. Mot ngudi ngdi trén tau hoa di tir ga A dén ga B. Khi tau d6 ¢ ga A, qua 6ng nhom ngudi d6
nhin thiy mot thap C (hinh a). Huong nhin tir nguoi d6 dén thap tao véi huéng di tau mot géc
60°. Khi tau dd & ga B, nguoi d6 nhin lai van thiy thép C, huéng nhin tir nguoi d6 der} thap tai
véi hudng nguge voi hudng di ciia tau mot gée 45°. Bi€t rang doan dudng tau noi thang ga A
véi ga B dai 8 km. Hoi khodng cach tir ga A dén thap C 1a bao nhiéu?

ety -
N

Bai 27. Tu vitri A, nguoi ta quan sat mot cay cao (hinh b). Biét AH=4m, HB=20m, z??c =45°.
Tinh chiéu cao cia ciy.
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Bai 28. Trén ndc toa nha c6 mot cdt ang-ten cao Sm. Tur vi tri quan sat A cao 7 m so v&i mat dat, ¢6
nhin thiy dinh B va chin C cua cot ang-ten dudi géc 50° va 40° so véi phuong nim ngang.
Tinh chiu cao cia tda nha (hinh bén duwoi)

B

MEEEm
nioininly
ninlnls

Bai29. Khoang cichtir A dén C khong thé do truc tiép duoc vi phai qua mot dim 1ay nén nugowif ta
lam nhu sau: Xdc dinh mot diém B c6 khoang cich AB=12km va do dugc géc ACB=37°.
Hay tinh khoang cich AC biét rang BC =5km.

Bai 30. Biét 2 luc clng tidc dung vao mot vat va tao v&i nhau mot géc 40°. Cuong do cua 2 lyc d6
bang 3N va 4 N . Tinh cudng do cua lyc tong hop.

Bai 31. Hai chiéc tau thuy P va Q cdch nhau 300 m. Tir P va Q thing hang v&i chdn A cua thap
hai ding AB & trén bo bién nguoi ta nhin chiéu cao AB cua thdp dudi céc géc BPA=35° va

@4 =48° . Tinh chiéu cao cia thap.

C — BAI TAP TONG HOP VAN PE 3

Bai 32. Cho AABC,biét b=7, c=9, cosA=%.Tl’nh h,R.

Bai 33. Cho AABC,biét a=9, b=10,c=13.Tinh h,, m , S, r.
Bai34. Cho AABC c¢6: m, =5, my=4,m =3.
a) Tinh a, b,c. b) Chimg minh ring A <45°.

Bai 35. Tam gidc ABC ¢6 AB=c¢, AC=b, BC=a. Mot diém M nim trén canh BC sao
cho BM =d . Tinh d0 dai doan théng AM .

Bai 36. Cho AABC c6 sin A >sin B >sin C . Chitng minh A>B>C.

Bai 37. Chirng minh trong moi tam giac ABC :
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tan A c* +a*-b*
tanB > +b’>—d’

a) b=acosC+ccosA b) sinB=sin AcosC+cos AsinC  ¢)

Bai 38. Chiing minh rang: néu G 1a trong tim AABC thi GB.GC :%(b2 +c’ —Saz) .
Bai39. Cho AABC véi AB=2cm, trung tuyén BD =1cm, BDA=30°. Tinh AD , BC va dién tich
AABC.
Bai 40. Cho AABC can tai A voi A =30°, AB=AC =5cm. Dudng thing qua B va tim O cula
duong tron ngoai tiép AABC cit AC tai D. Tinh BD.
Bai4l. Cho AABC véi AB=8cm va A=60° ndi tiép trong dudng tron (O) bén kinh R= 7313,
Tinh d6 dai cac canh BC, AC va dién tich AABC.
Bai42. Cho AABC déu, N la 1 diém trén canh AC sao cho ANz%AC. Tinh ti s6 cdc bén kinh
dudng tron ngoai tiép AABN va AABC.
Bai43. Cho AABC déu canh 4a, ldy De BC, Ec AC, Fe AB sao cho BD=x (0<x<4a),
AE=a, AF =3a.
a) Tinh EF . b) Pinh x dé tam gidc DEF vudng tai F .
Bai44. Trong mot tam gidc cin, duong cao ing voi canh ddy bang 20, duong cao ing vdi canh bén
bang 24 . Tinh c4c canh ciia tam gidc cin do.
Bai 45. Tam giac ABC ¢6 AB=3, AC=5, BC=1.
a) Tinh BAC. b) Tinh d§ dai cdc dudng phan gidc trong va ngoai cua géc BAC.
Bai46. Cho AABC cantai A,c6 A =a, AB=a.
a) Tinh BC theo a vd . b) Goi D 1a diém trén BC, xic dinh bsi BC =3BD. Tinh AD .
Bai47. Tam gidc ABC c6 hai trung tuyén BM =6, CN =9 hop v6i nhau mot géc 120°. Tinh cic
canh cda tam gidc d6.
Bai48. Cho AABC cantai A, BC =a, dudng cao AH =2a. M 1atrung diém AB .
a) Tinh d¢ dai duong trung tuyén CM . b) Tinh khoang cach tir A dén CM .
Bai49. Cho ABCD Ila hinh thang c6 ddy 16n AB =3a, ddy nhdé CD va canh AD bang a, A =60°.
Goi M , N lan luot 1a trung diém cua céc canh day. Tinh BC va MN .
Bai 50. Cho hinh vuéng ABCD canh a, tim O, M la trung diém AB. Tinh ban kinh duong tron
ngoai tiép tam gidc OMC .
Bai 51. Cho AABC vudéng & A, D 12 hinh chiéu ciia A trén BC; E va F lan luot 12 hinh chiéu cua
D xudng AB va AC . Chirng minh:
2 3
a) AB| _DB va AB) _BE b) AD’ = BC.EB.CF
AC DC AC CF
Bai 52. Cho AABC. Chung minh:
A .
a) a’—c>=b(acosC—ccosA)  b) b=r(c0t—+c0t£j c) tanA:ﬂ
2 2 c—acosB
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Bai 53.

Bai 54.

Bai 55.
Bai 56.

Bai 57.

Bai 58.

Bai 59.

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Cho AABC . Chirng minh:
a) Néu m, =m, thi tam gidc can.

b) Néu hai trung tuyén AM 1 CN thi cot B=2(cot A+cot()

Cho AABC c¢6 AM 1atrung tuyén. Biét AM = AB . Chiing minh:
a) sinA=2sin(B—A) b) cotC =3cotB

Cho AABC c¢6 a*+b* =¢". Chirng minh rﬁng: A, B, C nhon va 2sin’ C =tanA.tan B
Cho AABC c6m, =c . Chirng minh rang:

a) tan B=3tanC b) sinA=2sin(B-C)

Cho AABC ¢6 bc =a”. Ching minh:

a) sin> A=sinB.sinC . b) h.h. =h’.

Cho AABC . Chirng minh rang:

a) a=bcosC+ccosB b) sinA=sinBcosC+sinCcos B
¢) h,=2RsinB.sinC d) a=r(cot§+cot%j.

Chtng minh trong AABC: a(sin B-sinC)+b(sinC —sinA)+c(sinA-sinB)=0

Chimg minh rang:

2) Néu AABC théa S8 —2cosC thi AABC can.
sin A
a b

b) Néu AABC thoa thi AABC can.

cosA cosB

A . A a
¢) Néu AABC thoa sin— =
2 \2bc

d) Néu AABC théa sin A = 2sin B.cos C thi AABC cAn.
e) Néu AABC théa h, =,/p(p—a) thi AABC cén.

b +ci-a’
) b+c—a
g) Néu 3 gbéc cia AABC thda hé thirc sin A =2sin Bcos C thi AABC la tam gidc can.
h) Néu AABC théa hé thitc a+b+c=2(a.cos A+b.cos B+c.cosC) thi AABC déu.

thi AABC cintai A.

f) Néu AABC thoa =g’ thi mot trong 3 gdc cta nd bang 60°.
g3g g

Cho AABC . Ching minh rang:

ol ol 1,1 2ol 1 1,1
r h, h h h ror, rc'

a c a a

Cho AABC . Chirng minh:

- ——— .\ 2
a) S =2R>sin A.sin B.sin C. b) S:\/ABZACZ—(ABAC) .

Cho AABC ¢6 AB=AC=a, BAM =«.
a) Tinh BC theo a va «.
asin @

2(1+ sin “j
2

b) Goi r la ban kinh duong tron ndi tiép. Ching minh: r =
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Bai 64. Cho AABC vudng taiA, canh géc vudng 1a b, ¢. Ldy M e BC sao cho BAM =« Ching
minh ring: AM = be —.
bcosa+csina
Bai 65. Cho AABC vudng tai A, AD la phan gidc trong cua géc A. Ching minh ring:
1,1 _\2
AB AC AD
Bai 66. Cho AABC vuong tai A, canh géc vudng 1a b, c . Chirng minh rang:
. . 2
a) Do dai phén giac trong cua goc A 1a [ = ZZI . b) r= %(b+c —/b* +¢’ )
+c
Bai 67. Tam gidc ABC va DEF cuing ndi tiép trong mot dudng tron tdm. Chirng minh ring: chu vi 2
tam gidc bang nhau khi va chi khi: sin A +sin B+ sin C =sin D +sin E +sin F
Bai 68. Chung minh rang trong mot hinh binh hanh, téng binh phuong cic canh bang tong binh phwong
cua hai duong chéo.
Bai 69. Cho tur gidc ABCD. GoiM , N lan luot Ia trung diém cia AC va BD. Ching minh rang:
AB*+BC*+CD?+ DA’ = AC* + BD* +4MN”.
Bai70. Goi S la dién tich va R 1a ban kinh duong tron ngoai tiép AABC. Chimg minh rang:
S =2R*sin Asin BsinC .
Bai7l. Cho AABC c6 S="% %1, Chitrng minh ring 2cot A = & =cotB+cotC.
b m, sin B.sinC
Bai 72. Cho tu gidc 161 ABCD, goil , J lan luogt 1a trung diém cia AC vaBD .
a) Chirng minh: AB*>+BC?+CD” + DA’ = AC* + BD* +41J*
b) Suy ra diéu kién can va di dé mot tr gidc Ia hinh binh hanh.
s ., abc , : k
Bai 73. Cho AABC c¢6 =k . Ching minh: Rr=—.
atb+c 2
Bai74. Cho AABC c6 dudng tron ndi tiép tiép xtrc voi BC, CA, AB lan luot tai K, L,M . Ching
. . A . B .C
minh: S,,,,, = ZSAABC.smE.smE.smz.
Bai 75. Cho hinh thang ABCD c6 hai ddy AB=a, CD=b, 2 canh bén AD=c, BC=d va hai
duong chéo AC = p, BD =¢q . Chimg minh rang: p*+¢° =c*+d* +2ab .
s . . . A C B
Bai 76. Cho AABC c6 a+c=2b.Ching minh: cot5+cot3 = 2cot5
Bai 77. Tinh dién tich AABC trong mdi trudng hop sau:
a) a=5,b=7, C=135°
b) a=2,b=3,c=4
) A=30°, B=120°, c=12.
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Bai 78.

Bai 79.

Bai 80.

Bai 81.

Bai 82.

Bai 83.

Bai 84.

Bai 85.

Cho AABC véi A =60° , ban kinh duong tron ngoai tiép bang % va ban kinh duong tron ndi

tiép bang ~/3 . Tinh dién tich va chu vi AABC.

Cho AABC . Chirng minh:
a) hhh =8R’sin’ A.sin® B.sin® C.

2 2 2
b) = m, +m, +m.

1
3 cotA+cotB+cotC

c) S =%(a2 sin 2B+b” sin 24)

Cic duong phan gidc trong cia AABC kéo dai cit dudng tron ngoai tiép tam gidc ¢ céc diém

L, M, N.Ching minh: S, :%p.R.

Ching minh rang:
a) Néu AABC thoa sin A.cos® B =sin B.cos> A thi AABC cAn.
b) Néu ABC thoa =2 — < i AdBC du.

m, m, m

a c

c) Néu AABC théa sin A = 2sin B.cosC thi AABC can.
Cho AABC . Chirng minh céc bét dang thic sau:

a) a’+b*+c’<2(ab+bc+ca) b) a’ +b*—c* <2ab
a , b o o —L b L 53
b+c c+a a+b b+c—a c+a-b a+b-c
e) (a+b—c)(b+c—a)(c+a—b)<abc f) ! + ! + ! Zg+g+2
p—a p—-b p-c a b c

Cho AABC ¢6 a<b < c.Chimg minh cic bat dang thirc sau:
h, h _h, h h

a) b(%+%j+%(a+c)<(é+%j(a+c) b) Z—:+h—’:+h—:<h—a+h—:+h—j
¢) @’ (b—c)+b*(c—a)+c (a—b)<0 d) (a+b+c)’ <9bc

Cho AABC . Ching minh céc bét dang thirc sau:

a) %(a+b+c)<ma+mb+mc<a+b+c b) h,+h +h 29r

¢) a’+b*+c* <IR? d) a*+b*+c* 2168?

Cho AABC c6 géc 120° néu ddng dang véi tam gide c6 do dai 3 canh 1an luot 1a /3, V2 va

(V6-+2)/2.
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D — BAI TAP TRAC NGHIEM VAN DBE 3

Cau 1. [0H2-1] Trong tam gidc ABC, cau nao sau day ding?
A. a* =b*+c¢*+2bc.cos A. B. &’ =b*+c¢* —2bc.cos A.
C. a* =b>+c* +bc.cosA. D. o’ =b>+¢’ —bc.cosA.
Cau 2. [0H2-1] Tam gidc ABCc6 A=120° thi cau nao sau day ding?
A.a’=b"+c*-3bc. B.a’=b>+c’+bc. C.da’=b"+c*+3bc. D.a’=b>+c’—bc.
Cau 3. [0H2-1] Tam gidc ABC c6 a=8,b=7,c=5. Dién tich ciia tam giéc la
A.5\3 B. 8./3. C. 1043 D. 1243
Cau 4. [0H2-1] Tinh dién tich tam gidc ABC biét A=60°,b=10,c="20.
A. 50./3. B. 50. C. 50:2. D. 504/5.
CAu 5. [0H2-1] Cho tam gidc ABC c¢6 a=2,b=~/6,c=3+1.Géc Bla
A. 115°. B. 75°. C. 60°. D. 53°32".
Cau 6. [0H2-1] Cho tam gidc ABC ¢6 a=2,b=+/6,c=+/3+1. Tinh géc A.
A. 30°. B. 45°. C. 68°. D. 75°.
Cau7. [0H2-1] Tam gidc ABCc6 AB=12, AC =13, A =30°. Tinh dién tich tam gidc ABC.
A. 39. B. 78. C.39/3. D. 78/3.
Cau 8. [0H2-1] Tinh dién tich tam gidc c6 ba canh lAn lwot 1a /3, V2 val.
A3 B. 3. c. Yo D.ﬁ.
2 2 2
Cau 9. [0H2-1] Tinh dién tich tam gidc c6 ba canh 1a 9, 10, 11.
A. 504/3. B. 44. C. 302. D. 42.
Cau 10. [0H2-1] Tinh dién tich tam gidc ABC c6 ba canh 1a 13, 14, 15.
A. 84. B. \/6411 . C. 168. D. 16324 .
Cau 11. [0H2-2] Cho tam gidc ABC . Trung tuyén AM c6 d6 dai:
A b+ —a* . B. %\/2b2 +2c¢*—a* . C. \/3412 —2b* =2¢% . D N2 +2c7 —a’ .
Cau 12. [0H2-2] Néu tam gidc ABC c6 a’ <b’ +¢” thi:
A. A la g6c nhon. B. A 1a géc tu. C. A lagéc vuong. D. A 1a g6c nho nhat.
Cau 13. [0H2-2] Trong tam gidc ABC, h¢ thirc nao sau day sai?
A. a:b.‘smA' B. sinC:C'smA. C.a=2RsinA. D. b=R.tanB.
sin B a
Cau 14. [0H2-2] Tinh géc C ctia tam gide ABC biét a=b va a(a’—c*)=b(b*-c?).
A. C=150°. B. C=120°. C. C=60°. D. C=30°.
Cau 15. [0H2-2] Cho tam gidc ABC, cac duong cao h,, h,, h, thdéa man h¢ thiuc 3k, =2h, +h, Tim hé
thirc gitta a,b,c .
A.gzz—l. B.3a=2b+c. C.3a=2b-c. D.§=z+l.
a b c a b c
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

[0H2-2] Ménh d¢ nao sau day sai?

A.Néu a* >b*+c* thi A la géc ti.

B. Néu tam gidgc ABC c¢6 mdt géc tin thi a® > b* +¢7.
C. Néu a® <b*+¢* thi A la géc nhon.

D. Néu ¢® =b> +¢* thi A 1a géc vudng.

[0H2-2] Trong tam gidc ABC, cau nao sau day ding?

A.m:b+c. B. m >b+c. C.m <b+c'

a a a

D. m,=b+c.
[0H2-2] Trong tam gidc ABC, néu c6 2h, = h, +h, thi:

2 1 N 1
sinA sinB sinC

A. B. 2sinA=sinB+sinC .

C. sinA=2sinB+2sinC. D. .2 = .1 - .1 .
sinA sinB sinC

[0H2-2] Trong tam gidc ABC , néu c6 a” =b.c thi:

LI B. 1> =h . c.l_t,l  pl_2.2
h, h, h h; h, h B b, h

c a c

[0H2-2] Cho tam gidc ABC c¢6 a=2,b=+/6,c=+/3+1.Tinh ban kinh R cia dudng tron
ngoai tiép.

A V2. B.%. C. % D. /3.

[0H2-2] Dién tich S cua tam gidc s€ thoa man h¢ thurc nao trong hai h¢ thuc sau day?

L §*=p(p-a)(p-b)(p-c).

IL 16S* =(a+b+c)(a+b—c)(a=b+c)(-a+b+c).

A. Chi L. B. Chi II. C.Calvall D. Khong cé.
[0H2-2] Trong AABC, diéu kién dé hai trung tuyén vé tir A va B vudng géc véi nhau 1a
A. 2a>+2b° =5¢*.  B.3a’+3b°=5¢".  C.2a°+2b*=3c’. D.a’+b’=5c".

[0H2-2] Cho tam gidc ABC ¢6 AB=8 cm, AC =18 cm va c6 dién tich béng 64 cm?. Gia tri
sinA la

RS B.>. c.t. D. 2.

2 8 5 9
[0H2-2] Cho tam gidc ABC ¢c6 AB=4 cm,BC=7 cm, CA=9 cm. Gid tri cos A la
A2 B. L. c.-2. p. L.

3 3 3 2

[0H2-2] Tam gidgc ABC vudng cintai A va noi tiép trong duong tron tim O ban kinh R . Goi

\ N A LA sz . 2 47 A R M
r 1a ban kinh duong tron ndi tiép tam gidc ABC . Khi d6 ti sO — bang
r

B. . D. .
2 2
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Cau 26. [0H2-2] Tam gidc ABC ¢6 AB=9 cm, AC=12 cm va BC =15 cm. Khi d6 dudng trung
tuyén AM cua tam gidc c6 do dai la
A. 8 cm. B. 10 cm. C.9 cm. D. 7,5 cm.

Cau 27. [0H2-2] Tam gidc ABC ¢6 BC=a, CA=b, AB=c vacé di¢n tich S. Néu tang canh BC
1én 2 1an dong thoi ting canh AC 1én 3 1an va giir nguyén d6 16n cua gée C thi khi d6 dién
tich ciia tam gidc méi duogc tao nén bang
A. 2S. B. 3S. C. 4S5. D. 6S.

Cau 28. [0H2-2] Cho tam gidc DEF ¢6 DE=DF =10 cm va EF =12 cm. Goi I 1a trung diém cua
canh EF . Poan théng DI c¢6 d6 dai la
A. 6,5 cm. B. 7 cm. C. 8 cm. D. 4 cm.

CAu 29. [0H2-2] Cho tam gidc ABC c¢6 AB=5, AC =8, A=60°. Két qua ndo trong céc két qua sau Ia
d6 dai canh BC?

A. 129, B.7. C. 49. D. J69.

Cau 30. [0H2-2] Tam gidc ABC c¢6 a=14, b=18, ¢ =20. Két qua ndo sau day 1a gan ding nhit?
A. B=42°50". B. B =60°56'. C. B=119°04". D. B=~90°.

Cau 31. [0H2-2] Néu tam gidc MNP c6 MP=5, PN =8 va I\YPTV =120° thi d0 dai canh MN (lam
tron dén chir s6 thap phan thir nhit) 1a
A. 11,4, B. 12,4. C.7,0. D. 12,0.

Cau 32. [0H2-2] Tam gidc ABC c¢6 BC =10, A=30°. Bén kinh duong tron ngoai tiép tam gidgc ABC
bing bao nhiéu?

A.5. B. 10. c. 12 D. 10V3.
3

Cau 33. [0H2-2] Tam gidc vdi ba canh 1a 5,12 va 13 c6 di¢n tich bﬁng bao nhiéu?

A. 30. B. 2042. C. 104/3. D. 20.

Cau 34. [0H2-2] Tam gidc c6 ba canh 12 6, 10, 8. Ban kinh duong tron ndi tiép tam gidc d6 bang bao
nhiéu?

A3 B. 4. C.2. D. 1.

Céu 35. [0H2-2] Tam gidc ABC c6 B=60°, C=45°, AB=5.Hoicanh AC bing bao nhidu?
A. 53, B. 52. c.#. D. 10.

Cau 36. [0H2-2] Tam gidc ABC c6 AB=2 cm, AC=1 cm, A= 60° . Khi d6 do dai canh BC la
A.1cm. B.2 cm. C. 3 cm. D. /5 cm.

Cau 37. [0H2-2] Tam gidc ABC c6 a=5 cm, b=3 cm, c=5 cm. Khi d6 s6 do cua g6c lﬁ‘ Ia
A. A =45°. B. A =30°. C. A >60°. D. A =90°.

Cau 38. [0H2-2] Tam gidc ABC ¢6 AB=8 cm, BC =10 cm, CA=6 cm. Puong trung tuyén AM cua
tam gidc d6 c6 do dai bang
A. 4 cm. B. 5 cm. C. 6 cm. D. 7 cm.
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Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

[0H2-2] Tam gidc ABC c6 a =3 cm, b=+2 cm, c=1 cm. Pudng trung tuyén m, c6 do
dai la

NG

A.1cm. B. 1,5 cm. C. N cm. D. 2,5 cm.

[0H2-2] Tam gidc ABC vudng cintai A ¢c6 AB=AC =a. Dudng trung tuyén BM c6 do dai
la

A. 1,5a. B. aﬁ. C. a\/g. D. a25 .
[0H2-2] Tam gidc déu canh a ndi tiép trong duong tron ban kinh R . Khi 6 ban kinh R bang
A a3 B. ¢ 2 C a3 D a3
T T3 e Rt
[0H2-2] Ban kinh ctia dudng tron ndi tiép tam gidc déu canh a bang
A a3 B. ¢ 2 C a3 D a5
Rt T CTe e
[0H2-2] Cho tam gidc ABC ¢6 BC =a, CA=b, AB =c. M¢énh dé nao sau day la diung?
A.Néu b* +¢*—a* >0 thigéc A nhon. B. Néu b* +¢*—a* >0 thigéc A ti.
C. Néu b* +c¢*—a* <0 thigéc A nhon. D. Néu b* +c¢*—a® <0 thi géc A vudng.

[0H3-2] Tam gide ABC c6 A =60°, AC=10, AB=6. Tinh canh BC
A. 76. B. 2419 C. 14. D. 632

[0H3-2] Tam giac ABC c6 A = 120°, AC=10, AB=6. Tinh canh BC
A.76. B. 24/19 . C. 14. D. 672

[0H3-2] Tam giac ABC c6 ]_T% =30°, BC = \/5 , AB=3.Tinh canh AC.
A. 3. B. 3. C.15. D.17.

[0H3-2] Tam giac ABC c6 6 =30°, AC=2, BC= \/5 . Tinh canh AB
A. 10 B. 10. C.\3. D. 1.

[0H3-2] Tam giac ABC c6 6 =150°, BC = \/5 , AC=2.Tinh canh AB.
A 13, B. 10. C. 3. D. 1.

[0H3-2] Tam gidc ABC c¢6 B=135°, BC =3, AB=~/2. Tinh canh AC.
A.S. B. /5. C. J17. D. 2.25.

[0H3-2] Tam gidc ABC c6 céc goc B = 30°, 6 =45°, AB=3.Tinh canh AC.

A.ﬁ. B.ﬂ. C. 6. D.&.
2 2 3

[0H3-2] Tam gidc ABC c¢6 B=60°, C=45°, AB=3. Tinh canh AC.

A.%. B.%. C. 6. D.%.
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Cau 52. [0H3-2] Tam gidc ABC c¢6 A =105°, B =45°, AC =10. Tinh canh AB .
A 1042 B. 5v6. C. % D. 5\2.
Cau 53. [0H3-2] Tam gidc ABC c¢6 A =75°, B =45°, AC =2. Tinh canh AB .
A2 B. V6. c. o p. 6.
2 2 3
Cau 54. [0H3-2] Tam gidc ABC c6 tong hai géc B va C bang 135° va d6 dai canh BC bang a. Tinh
ban kinh duong tron ngoai tiép tam gidc.
- 2. B. a/2. C.a\/g. D. a3.
2 2
Cau 55. [0H2-2] Tam gidc ABC c6 AB=5, AC =9 va dudng trung tuyén AM = 6. Tinh @ dai canh
BC.
A. 2\17. B. J17. C. 129, D. 22.
Cau 56. [0H2-2] Tam gidc ABC ¢6 AB=4, AC =10 va duong trung tuyén AM =6. Tinh d6 dai
canh BC.
A. 2V6. B.S. C.V22. D. 2V22.
Cau 57. [0H2-2] Tam gidc ABC ¢6 AB=4, AC =6 va trung tuyén BM =3 . Tinh d dai canh BC.
A7 B. 2./5. C. 4. D. 8.
Cau 58. [0H2-2] Tam gidc c6 ba canh 1an luot 1a 5, 12, 13. Tinh d6 dai duong cao tmg véi canh 16n nhét.
A Y B. 120, c. 2. D. 12.
13 13 13
Cau 59. [0H2-2] Tam gidc ABCc6 AB=1, AC=3, A =60°. Tinh ban kinh duong tron ngoai tiép
AABC.
AT B. Y21 c.2. D. 3.
3 2
Cau 60. [0H2-2] Tam gidc ABC c6 gbc B ti, AB=3, AC =4 va c6 dién tich bang 3+/3. Géc A c6 sb
do bang bao nhiéu?
A. 30°. B. 60°. C. 45°. D. 120°.
Cau 61. [0H2-2] Tam gidc ABCc6 AB=10, AC =24, dién tich bang 120. Tinh do dai dudng trung
tuyén AM.
A. 13. B. 74/3. C. 26. D. 1142
CAu62. [0H2-2] Tam gidc ABC ¢6gbc A nhon, AB=5, AC =8, dién tich bang 12. Tinh do dai canh BC.
A. 23, B. 4. C.5. D. 3\2.
Cau 63. [0H2-2] Tam giic c6 ba canh lan luot 1a V3, J2 va 1.Tinh d6 dai duong cao tng vdi canh
16n nht.
A S B. Y6 c. B3 p. 2.
6 3 2 2
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Cau64. [0H2-2] Tam gi4c c6 ba canh Anlugtla 1,2, \/§ . Tinh d¢ dai dudng cao ung véi canh lén nhét

A 25 B 25 C.1,4. D. 13.
5 3
Cau 65. [0H2-2] Tam gidc c6 ba canh lan lugt 1a 5, 6, 7. Tinh d6 dai dudng cao tmg véi canh ¢ do
dai bang 6.
A. 6. B. 2./6. C.5. D.%.

Cau 66. [0H2-2] Tam gidc c6 ba canh lan lwot 1a 7, 8, 9. Tinh do dai dudng cao ung voi canh c6 do
dai bang 8.

A. 43, B. 2\/2. C.ﬁ. D. 345

2

Cau 67. [0H2-2] Tam giic c6 ba canh lan luot 1a 21, 22, 23. Tinh d6 dai dudng cao tmg vdi canh ¢
d6 dai bang 22.
NN

7

B. 27. C. 3J10. D. 610.

Cau 68. [0H2-2] Tam gidc c6 ba canh 13, 14, 15. Tinh dudng cao ung véi canh c6 d6 dai 14.
A. 10. B. 12. C. 1. D. 15.
Cau 69. [0H2-2] Cho tam gidc voiba canh a =13, b=14, ¢ =15 Tinh duong cao h, .
A. 101. B. lll. C. 52. D. 12.
5 5 5
Cau 70. [0H2-2] Tinh ban kinh dudng tron ngoai tiép tam gidc c6 ba canh lan luot 1a 5, 12, 13.
A. 11, B. 5/2. C. 6. D. 6,5.

Cau 71. [0H2-2] Tinh bdn kinh dudng tron ndi tiép tam giac c6 ba canh lan Ivot 1a \/5 , \/5 va 1.
A 1+/2-/3 B 1+/2+/3 C 2 D l—ﬁ+ﬁ'
T, Ty .—1_\/54_\/5.. T
Cau 72. [0H2-2] Tinh bdn kinh dudng tron ndi tiép tam giac c6 ba canh lan luot 1a 5, 12, 13.
A. V2. B. 2. C. 2.2 D. /3.

Cau 73. [0H2-2] Tinh ban kinh duong tron ngoai tiép tam gide ABC c6 ba canh 1a 13, 14, 15.

A. 8. B. 3. c. sl D. 62,

4 8
Cau 74. [0H2-2] Tinh ban kinh duong tron ndi tiép tam gidc ABC c6 ba canh Ia 13, 14, 15.
A. 2. B. 4. C. V2. D. 3.

Cau 75. [0H2-2] Cho tam gidc ABC c6 dién tich §. Néu tang do dai moi canh BC va AC 1én hai lan
ddng thoi giit nguyén d6 16n ciia géc C thi dién tich ciia tam gidc méi duge tao nén la

A. 2S. B. 3S. C. 45. D. 55 .
Cau 76. [0H2-3] Cho tam gidc ABC, xét cic bat déng thirc sau:
L |a-b|<c. I a<b+c. L m,+m,+m <a+b+c.

Hoi bat dang thirc ndo diing?
A.Chil, II. B. Chi II, IIL C. Chi I, I1I. D. Cal, I, III.
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Cau 77. [0H2-3] Cho tam gidc MPQ vudng tai P . Trén canh MQ léy hai diém E, F sao cho cdc g6c
m, EPTT , IFI-’\Q bﬁng nhau. Bat MP =¢q, PQ =m, PE = x, PF =y . Trong cic h¢ thirc sau,
h¢ thurc nao ding?

A. ME=EF=FQ. B. ME* =q¢> +x*—xq.
C. MF*=q¢’+y*—yq. D. MQ* =q* +m* —2qm .

Cau 78. [0H2-3] Tam gidgc ABC vudng tai A ¢6 AB=6 cm, BC =10 cm. Dudng trdon ndi tiép tam
gidc d6 ¢6 ban kinh r bang
A. 1 cm. B. V2 cm. C.2 cm. D. 3 cm.

Cau 79. [0H2-3] Tam gidc déu ndi tiép dudng tron ban kinh R =4 cm c6 dién tich 1a
A. 13 cm?. B. 132 em®. C. 123 cm®. D. 15 cm’.

Cau 80. [0H2-3] Tam gidc ABC vudng cin tai A c6 AB=a. Dudng tron ndi tiép tam gidc ABC c6
ban kinh r bang

a a a a
A, —. B. —. C. . D. —.
2 V2 2442 3

Cau 81. [0H2-3] Tam gidc ABC c6 céc canh a, b, ¢ théa man diéu kién: (a+b+c)(a+b—c)=3ab.
Khi d6 s6 do cua géc C 1a
A. 120°. B. 30°. C. 45°. D. 60°.

Cau 82. [0H2-3] Hinh binh hanh ABCD ¢6 AB=a, BC = a2 va BAD = 45°. Khi d6 hinh binh hanh
c6 dién tich bang
A. 24°. B. a’ 2. C. . D. a*\/3.

Cau 83. [0H2-3] Cho tam gidc ABC c6 canh BC =a, canh CA=b. Tam gidc ABC c6 di¢n tich 16n
nhét khi géc C bing
A. 60°. B. 90°. C. 150°. D. 120°.

Cau 84. [0H3-3] Tam gidc ABC c6 sinC =T, AC =3, BC =6 vagoc C nhon. Tinh canh AB .
A.\27. B. 3\2. C.27. D. 8.

Cau 85. [0H3-2] Tam gidc ABC c6 AC = 33 , AB=3, BC=6. Tinh s do géc B.

A. 60°. B. 45°. C. 30°. D. 120°.

Cau 86. [0H3-2] Tam gidc ABC c6 BC = 55 ,AC = 5\2 ,AB=5.Tinh A
A. 60°. B. 45°. C. 30°. D. 120°.

Cau 87. [0H3-3] Tam gidc ABC c6AB=3,AC=4 vatan A= 2\/5 . Tinh canh BC
A. 33, B. J17. C.32. D. 42

Cau 88. [0H3-3] Tam gidc ABC c6 AB=3, AC=4 va tanA = —2\/5 . Tinh canh BC.

A. 32, B. 4.3. C.33. D.7.
Cau 89. [0H3-3] Tam gidc ABC c6 BC = \/g , AC=3 vacotC=-2. Tinh canh AB.
A.\26. B. V21. C.% D. 210
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Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

[0H3-3] Tam gidc ABC ¢6 BC = \/g , AC=3 va cotC=2.Tinh canh AB.

A. 6. B.\2. C.% D. 2./10.

[0H3-3] Tam gidc ABC c6AB=7, AC=5 va cos(B+C)= —é. Tinh BC.
A. 2415 B. 44/22. C. 4/15. D. 222.
[0H3-3] Tam giac ABC c6 cos(A+B) = —é , AC=4, BC=5.Tinh canh AB.

A. V46 . B.11. C. 5\2. D. 6.

[0H3-3] Hinh vuébng ABCD c6 canh bﬁng a.Goi E latrung diém canh BC, F latrung diém
canh AE . Tim d6 dai doan théng DF .

A 13 B, 4V c. o3 p. 2
e T N o
[0H3-3] Tam gidc c6 ba canh 1an Iuot 1 3, 8, 9. Géc 16n nhat cia tam gide c6 cosin bang bao nhiéu?
Al B L c. 17 D, 4
> e TR TS
[0H3-3] Tam gidc c6 ba canh lan Iugt [a 2, 3, 4. Géc bé nhét clia tam gidc 6 sin bang bao nhiéu?
a s B. . c.l p, Y14
5 ‘3 -3 S
[0H3-3] Tam gidc ABC ¢6 AB=4, AC=5, BC=6.Tinh cos(B+C)..
AL B. -1 C. -0,125. D. 0,75.
8 4
.z . < . A o . ., 2= AB
[0H3-3] Tam gidc ABC c6 cdc goc A =105°, B =45°. Tinh ti s0 Vel
A ﬁ B. 2 C ﬁ D ﬁ
— SN2 — 3
.. . < . A o . , + AB
[0H3-3] Tam gidc ABC c6 cac goc A =75°, B =45°. Tinh ti s0 aC
A.g. B. V6. c.g. D. 1,2.

[0H3-3] Tinh bén kinh dudng tron ngoai tiép tam gidc ABC biét AB=c va cos(A+B)= % :

A 2 B 3c\2 C 9¢e 2 D 3¢
S g e cS

[0H3-3] Tim chu vi tam gidc ABC, biét ring AB =6 va 2sin A=3sin B =4sinC.

A. 26. B. 13. C. 526. D. 106 .

sinA _sinB _sinC
4
A.12. B. 36. C. 24. D. 22.

[0H3-3] Tam gidc ABC c¢6 BC =10 va

. Tim chu vi cua tam giic d6.
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Cau 102.

[0H3-3] Tam gidc ABC ¢c6AB=9, BC=10, CA=11. Goi M 1a trung diém BC va N la
trung diém AM . Tinh d6 dai BN .

A. 6. B. 42 C.5. D. /34 .

Cau 103. [0H3-3] Tam gidc ABC c¢6 AB=5, BC =8, CA=6. Goi G 1a trong tdm tam gidC. BJ dai
doan thang CG bang bao nhiéu?
AN B 2T e M. p. 2.
2 3 6 3
Cau 104. [0H3-3] Tam gidc ABC c6 AB=5, BC=8, CA=6. Goi G 1a trong tam tam gidc. Do dai
doan thang AG bang bao nhiéu?
JNRECS B, % e 12 p. 12
3 2 3 2
Cau 105. [0H3-3] Tam gidc ABC ¢6 AB=5, BC=8, CA=6. Goi G 1a trong tdm tam gidC. BJ dai
doan thang BG bang bao nhiéu?
A4, B. 6. c. Y12 p. Y122
3 2
Cau 106. [0H2-3] Hinh binh hanh c¢6 hai canh 1a 5 va 9, mot duong chéo bang 11. Tim d6 dai duong
chéo con lai.
A.95. B. 4/6. C. \or. D. 310.
Cau 107. [0H2-3] Hinh binh hanh c6 hai canh 1a 3 va 5, mot duong chéo bang 5. Tim d6 dai duong
chéo con lai.
A. 43, B. 2./13. C.8. D. 8./3.
Cau 108. [0H2-3] Hinh binh hanh c6 mot canh 1a 5 hai duong chéo 1a 6 va 8. Tinh d§ dai canh ké véi
canh c6 d6 dai bang 5
A. 3. B. 1. C. 5V6. D.5.
Cau 109. [0H2-3] Hinh biph hanh c6 mot canh 12 4 hai duong chéo la 6 va 8. Tinh d dai canh ké véi
canh c6 d dai bang 4
A. 34 B. 6. C.J42. D.5.
Cau 110. [0H2-3] Cho tam gidc vudng, trong d6 c6 mot géc bang trung binh cong cua hai géc con lai.
Canh 16n nhat cua tam gidc d6 bang a. Tinh dién tich tam gidc.
2 2 2 2
A N2 B, 93 c. @3 p, Y6
4 8 4 10
Cau 111. [0H2-3] Tam gidc c6 bacanh 1a 9, 10, 11. Tinh dudng cao 16n nhit ciia tam giac.
A. #. B. 3V2. C. /70. D. 4./3.
Cau 112. [0H2-3] Cho tam gidc ABC ndi tiép dudng tron ban kinh R, AB=R, AC = R+/3. Tinh gbc
A néu biét B 1a gbc ti.
A. 30°. B. 45°. C. 60°. D. 90°.
Cau 113. [0H2-3] Cho tam gidc ABC ndi tiép duong tron ban kinh R, AB=R, AC = R\/2. Tinh g6c A
bibt A 1a géc ti.
A. 135°. B. 105°. C. 120° D. 150°.
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Cau 114.

Cau 115.

Cau 116.

Cau 117.

Cau 118.

Cau 119.

Cau 120.

Cau 121.

Cau 122.

Cau 123.

[0H2-3] Cho tam gidc ABC c¢6 BC=a, CA=b, AB=c. Goi M 1a trung diém canh BC.
Hay tinh gid tri AM .BC

2 2 2 2 2 2 2 2 _ 2

a B.C+b C.c+b+a. D.C+b a

A. . .
2 2 3 2

[0H2-3] Tam gidc ABC ¢6 BC=a, CA=b, AB=c. Tinh (AB+AC).BC
2 2 2 2 2 2 2_ 2
c+b' C.c+b+a. D.C+b a
2 3 2
[0H3-4] Tam gidc ABC vudng tai A c6 AB=AC=a. Piém M nam trén canh BC sao cho

A. —a*. B.

BM = B—3C Do dai AM bing bao nhiéu?

a\/ﬁ a\/g 2ax/§ 2a

A . B. . C. D. —.
3 3 3 3

[0H3-4] Cho tam gidc cAn ABC ¢6 A =120° va AB=AC=a. L4y diém M trén canh BC
2BC

sao cho BM =?. Tinh d6 dai AM .
A B B. U4 c. 1 p, W6
3 5 5 4

[0H3-4] Tam gidc ABC ¢6 BC=12, CA=9, AB=6. Trén canh BC liy diém M sao cho
BM =4 . Tinh d6 dai doan thing AM

A. 245. B. 3\/2. C. J20. D. /19
[0H3-4] Tam gidc ABC ¢6 AB=4, AC =6, cosB =%, cosC =%. Tinh canh BC.
A 7. B.S. C. 3./3. D. 2.

[0H3-4] Cho tam gidc ABC vudng tai A, AC=b, AB=c.Liy diém M trén canh BC sao
cho géc BAM =30° Tinh ti s6 @
MC

b3 B, V3¢

) . ) C.
3¢ 3b

@. p. 2=¢.
b b+c

[0H3-4] Tinh ban kinh dudng tron ngoai tiép tam gidgc ABC biét AB=10 va tan (A+B) =§ .

A S0 B. 1 c. Y10 D. 5410.

9 3 5
[0H3-4] Tinh bén kinh dudng tron ngoai tiép tam gidc ABC biét AB =12 va cot(A+B) = % :
A. 2410. B.@. C. 5410. D. 3V/2.

[0H2-4] Cho gbc x/O\y =30°. Goi A va B 1a hai diém di dong lan luot trén Ox va Oy sao cho
AB =2 . D0 dai 16n nhat ctia doan OB bang
A. 2. B. 3. C. 4. D. 5.
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CHUONG 3: PHUONG PHAP TOA B TRONG MAT PHANG

Chii 6

PHUONG PHAP TOA DO

TRONG MAT PHAANG OXY

1. DUGNG THANG

. Vecta chi phuong va vecta phdp tuyén
% Vecto chi phwong (VICP: i = (u,; u,)
v i#0
v i c6 gid song song hodc tring véi A
v’ kii (k#0) cling 1a mot VTCP cua A
< Vecto phép tuyén (VIPT: 7i=(n,; n,)
v i#0
v’ 7ic6 gid vudng géc voi A
v kii(k#0) ciing 1a mot VTPT cta A
% Quan hé giira VTCP va VTPT:
v Néu A ¢6 VTCP a ii =(us; up) thi c6
v Néu A ¢6 VTPT la 7i =(A; B) thicé

IT. Phuong trinh dudng thdng:

clia duing théng: LN
1a VTCP ctaa A: -
A ii
|
n |
1 a
A
1a VTCP cua A:
A np _L)

VTPT la 7i =(-u,; u,) hodc 7 =(u,; —u,)
VTCP la i =(—-B; A) hoidc

a) Phwong trinh tong quat (PTTQ)

A:Ax+By+C=0

(A*+B*=0)

Trong d6: - VTPT 7ii=(A; B)
- VTCP i =(-B; A) hodc

‘ A
- Hé so goc k=——
B

b) Phwong trinh tham sé (PTTS) cua

. ) X=X, +ut
u=(u;u,) codang: |A:
Y=Yy tuyt
Trong d6: - VTCP i = (u,; u,)
- VTPT ii=(-uy;u); i=
A A Z uz
- H¢so goc k=—
u,

- M(x;y)eA(:)EIteR:{

u=(B;—A)

- M (xo;yo)e (A) & Ax,+By,+C=0

duong thang A qua M (x,;y,) c6 VTCP

& 2 2
(vO1 u; +u, #0,teR)

X=X, +ut

Hay M (x, +ut;y, +u,t)€ A
Y=y, tut
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¢) Phuong trinh chinh tic (PTCT) cua duong thing A qua M (x,5 ¥,) €6 vecto chi

phuong i =(u,; u,) c6dang:

X=X _ Y=o

U, u,

(u; #20, u, #0)

w. Chii y: Trong trudng hop u, =0 hodc u, =0 thi duong thing A khong c6 phuong
trinh chinh tac.
III. Cdch viét phuong trinh duding thing:
1. Phuong trinh tham sb ctia A qua M (x,,; y,, ), VICP i = (u;; u,):
xX=x, +ut
{y =y, Tu,t
2. Phuong trinh chinh tic ciia A qua M (x,,; y,, ), VICP i = (u; u, ) :

(v6i u} +u; #0,te R)

X=Xy _ Y=Yy
U, u,

(u, #0, u, #0)

3. Phuong trinh tong quat cia A qua M (x,,; v, ) ¢6 VTPT ii=(A; B):
A(x=x,)+B(y—y,)=0| (v6i A>+B*>#0)

4. Phuong trinh duong thing qua hai diém:
v/ Hai diém batki: A(x,;y,) va B(x,:y,):

X=Xy _ Y= Vs
Xp — Xy Y~ Va

v’ Hai diém c6 cting hoanh d¢: A(m;y,) va B(m; y,):

(VO1 X, X5V, % Y,)

|x:m<:>x—m=0|

v’ Hai diém c6 cling tung do: A(x,; k) va B(x,; k):

y=ko y—-k=0
v’ Hai diém thuoc 2 truc toa do: A(a; 0) va B(0; b) (a, b#0):

Yo (Phwong trinh doan chin)

a b
5. Phuong trinh dudng thang A qua M (x,; y,) c6 hé s goc k :

Y=y, =k(x—x)| (1)

w Cha y:
v’ Phuong trinh (1) khong chira phuong trinh cia duong thing di qua M, va
vudng géc v6i Ox nén khi sir dung ta can dé y thém dudng thing di qua M o va
vudng goc vo1 Ox: x=x,.

v Néu chi biét hé s6 géc kthi |A: y=kx+b|=kx—y+b=0.

v Néu k,, k, 1an luot 12 hé s6 géc cta A, va A, thi:
= A A, &k =k, A LA & kk=-1
v/ Néu A hop véitia Ox mot géc « thi k=tanar.
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6. Phuong trinh A qua 1 diém va song song hoic vudng goc vdi mot duong thang
d:Ax+By+C =0, cho trudc:
e A//ld=A:Ax+By+C'=0 (C'#C)
e Ald=A:—Bx+Ay+m=0 hay A:Bx—Ay+m=0.
w Chu y: i
v" Hai duong thang // voi nhau thi c6 cung VTCP va cung VTPT.
v Hai duong thang vudéng géc voi nhau thi VTCP cua duong nay la VTPT cua
duong kia va ngugc lai.

7. Mt s6 phwong trinh diic biét (7i: VIPT, i : VICP)

® Truc hoanh (Ox : y=0 c6n=(0;1) va u=(L0)
® Truc tung (Oy: x=0 c6n=(L0) va u=(0;1)
e Songsong Oy (k#0): |[x=k c6n=(L0) va u=(0;1)
e Songsong Ox (m#0): |y=m c6n=(0;1) va u=(L0)
e A//Ox hoic A=Ox: by+c=0 ¢c67i=(0;1) va ua=(10)
e A//Oy hoic A=Oy: c6i=(1,0) va ii=(0;1)
e Diqua gdc toa do: ax+by=0| c6n=(a;b) va u=(-b;a)
e Phan gidc thir 1: x—y=0 c6n=(L-1) va u=(L1)
® Phan gidc thir 2: x+y=0 c6n=(L1) va u=(L-1)

IV. Vi tri tuong d8i clia hai duding thdng:

Cho d,: Ax+By+C,=0vad,: Ax+B,y+C,=0

1. Néu cin tim giao diém cta d, va d, thi:
Toa do giao diém M (néu c6) cia d, vd d, 1a nghiém hé phuong trinh:
(I):{Alx+Bly+C1 =0 - {xz...

Ax+B,y+C,=0 y=...
(Lwu y khi diung may tinh dé giai hé nay)

e d citd, & h¢ phuong trinh () c6 nghiém duy nhit.

= M(.;...)

e d /ld, & hé phuong trinh (1) v6 nghiém.
e d tring d, < h¢ phuong trinh (1) c6 vd sb nghiém.
2. Néu chi xét vi tri twong ddi (4, B, C,, A,, B,, C, khic 0) thi:

e d cétdz«:»ﬁ;tﬁ e d //dz«:»i:ﬁ;«tQ

2 BZ 2 BZ CZ

e d=d, o X B_C . 414 oan+BB =0

AZ BZ CZ
V. Khodng céch:
 Khoang cich tir diém M (x,,; y,,) dén A: Ax+By+C =0 la: M
Ax,, + By +C|

MH:d(M,A):| S 4 L
VA® + B’ H

w Cha y: |d(M,0x)=1y, ||, |d(M,0y)=lx, |
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e Khoang cdch giita hai dudng thing A va A,.

. . 4 M
@ Neéu A, va A, cat hodc tring nhau thi d(A,,A,)=0. —t—
= Néu A, /A, thi: [d(A,A,)=d(M.A)=MH|v6i M A,. T f—

© Chi y: |
Cho hai duong thang song song A va A,.
Biét A, : Ax+By+C =0 va A,: Ax+B,y+C,=0

Puong thing A, song song va cédch déu A, va A, c6 dang:

A]

Ax+By+%=O A,
2

4,

VI. Géc giita hai duding thdng:
Cho A :Ax+By+C =0 ¢6 1, =(A;B)
A,:Ax+B,y+C,=0 c6ii,=(A,;B,)
7i, 7| _ |AA, + BB,
||| a2+ B> \[A2 + B

cos(A,A,)=cosp=
. Chii §: 0°<(A,,A,)<90°.

VII. Phuong trinh phan gidc:
e Cho A:Ax+By+C=0va M(x,;y,), N(xy;¥,)-
bat A, = Ax,, +By,, +C va A, = Ax, + By, +C, thi:
& Néu A, A, >0=>M va N nam ciing phia véi A.
@ Néu A,.A,<0=M va N nam khéc phia véi A.
e Cho A :Ax+By+C =0vaA,:Ax+B,y+C,=0.
Phuong trinh hai phin gidc cua cdc goc tao boi A, va A, c6 dang:
|Ax+By+C| :|A2x+B2y+C2|
A + B JA2+B?
Ax+By+C _ Ax+B,y+C, (d,)
JA + B JAI+B] 1
Ax+By+C :_A2x+Bzy+C2 (d,)
JAT+B? JAZ+ B ’
Goi 7, =(A, ; B,) va i, =(A, ; B,) lan luot 12 2 VTPT clia A, va A,

= Néu 7i.ji, >0 thi: - d, 1a phan gidc clia géc ti,

Hay

- d, la phan gidc cua géc nhon.
= Néu 7i,.ji, <0 thi: - d, la phén gidc cua géc nhon,

- d, la phan gidc cua goc tu.
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CHUONG 3: PHUONG PHAP TOA B TRONG MAT PHANG

Dang 1. Chuyén déi PTTQ < PTTS < PTCT

an an an

XA

A. PHUONG PHAP GIAI

@ Bai toan 1: Tu PTTQ — PTTS:
> Cach 1. Tim PTTQ tim 1 diém va 1 VICP = PTTS cta d .

@ Bai toan 2: Tir PTTQ — PTCT:
» Cich 1. Tim PTTQ tim 1 diém va 1 VTCP = PTCT ciia d .
> Céich 2. Chuyén tir PTTQ — PTTS — PTCT

® Bai toan 3: Tt PTTS — PTTQ:

» Céch 1. Tim PTTS tim 1 diém va 1 VTPT = PTTQ cua d .

» Cach 2. Tu PTTS khur t, thu gon = PTTQ cta d
@ Bai toan 4: Tir PTTS — PTCT:

> Cdch 1. Tim PTTS tim 1 diém va 1 VICP = PTCT ciia d .

> Cach 2. T mdi phurong trinh ctia PTTS riit t = PTCT cua d .
® Bai toan 3: T PTCT — PTTQ:

» Céch 1. Tim PTCT tim 1 diém va 1 VTPT = PTTQ cua d .

> Céch 2. Tir PTCT quy dong khir mau, thu gon = PTTQ cta d
® Bai toan 4: Tir PTCT — PTTS:

> Cdch 1. Tim PTCT tim 1 diém va 1 VICP = PTTS ctia d .

> Cich 2. Pit 2"

)

X=X,

u;

=t,riut x, y theo t = PTTS cua d .

@ Céc truomg hop dic biét:

» Céch 2. bat x=¢ (y=t)thay vao PTTQ tim y (x) theo t+ = PTTS ctua d .

> PTTS: {x”" 6 PTTQ: x=x, & x-x,=0 (AL Ox)
y=Yo tuyt
x=x,+tu
» PTTS: cO PTTQ: y=y, o y-y,=0(ALO0y)
Y=Y
B. CAC VIDY
VD 1.  Chuyén dbi cic phuong trinh sau ddy sang 2 dang con lai (néu c6):
=2 -4 +1
Dd:x-2y+1=0 @d:l" @ 4.2yt
y=3-4t 2 -
x=1-2t +9 21
@ d:3x—6=0 ® d: ®d: ===
y=4t 3 10
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C.BAITAP TU LUYEN
Bai 1.  Chuyén d6i cdc phuong trinh sau ddy sang 2 dang con lai (néu c6):
=4+2t
D d:2x+3y+1=0 @ d:4x+5y-6=0 ®d:l"
y=—7+3t
=5+t — —
@a:]" ® d:2 2_y+l @d:x_-i-l:y_:B
y=3 2 3 7 21
Bai2.  Viét phuong trinh tham sb ciia cic dudng thing:
@ 2x+3y-6=0 @ y=—4x+5 @ x=3
@ 4x+5y+6=0 ® y=5 ® 2x-3y+3=0

Bai3.  Cho duong thing d c6 phuong trinh 2x -3y +1=0.
@ Hay tim vécto phép tuyén va vécto chi phuong ciia d .

@ Viét phuong trinh tham s6 va phuong trinh chinh tic (néu c6) cia d .

Dang 2. Vi tri tuong doi: dwong-dubng, diém-diing

XA

A. PHUONG PHAP GIAI

@ Vi tri wrng déi ciia hai dwbng thang:
Cho d,:Ax+By+C =0vad,:Ax+B,y+C,=0

a) Neu can tim giao diém cua d, va d, thi

Toa d¢ giao diém M (néu c6) ctia d, va d, langhiém h¢ phuong trinh:
(1): Ax+By+C =0 o X
Ax+B,y+C,=0 y=...
(Lwu y khi dung may tinh dé giai hé nay)
® d catd, & hé phuong trinh (I) ¢6 nghiém duy nhat.

= M(...;...)

° d/ld, < h¢ phuong trinh (I) vO nghiém.
e d trung d, < hé phuong trinh (I) c6 vO s6 nghiém.
w Chi y: Néu d& cho d, va d, dudi dang PTTS:

b) Néu chi xét vi tri twong d6i (4, B,, C,, A,, B,, C, khac 0 ) thi:

. A B A B
e Jdocatd, & L+ o dl//dz(:)—‘z—l;tg
, B , B, C,
A B C
e dtringd, & —L=—"t=—e 4 1d < AA+BB,=0
1 AZ BZ CZ 1 : :

¢) Tim m dé d,, d, va d, dong quy:
e Loai 1: Tim gi4 tri ciia tham sb m dé ba dudng thing d,, d, va d, ddng quy.
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v/ Buée 1: Tim giao diém A cua d, va d,
v Buée 2: Thé toa dd A vao d, tim m.
¢ Loai 2: Chirng minh ba duong thing d,, d, va d, dong quy tai mot diém.
v/ Bué6e 1: Tim giao diém A cua d, va d,
v Bwéc 2: Chirng minh A€ d,.
@ Vi tri tuong d6i ciia diém véi dutng thing:
e M(x,;y,)€A:Ax+By+C=0& Ax, +By, +C=0
e M(x,:y,)¢A:Ax+By+C=0& Ax, +By, +C#0
@ Vi tri tuvng d6i ciia hai diém dgi véi dutng thing:
Cho A: Ax+By+C=0 va M (x,;y, ). N(xy;»,)-
bat A, = Ax,, +By,,.C va A, = Ax, + By, ,C, thi:
@ Néu A,.A, >0 thi M va N nam ciing phia v6i A.
= Néu A,,.A, <0 thi M va N niam khéc phia véi A.

B. Vi DU MAU

VD 2.  Xét vi tri tuong ddi ctia cdc cip dudng thing sau, néu chiing cit nhau thi tim toa do giao diém
cua chung:

=5+t =442
@ 2x+3y+1=0 v 4x+5y—-6=0 @{x va {x
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C.BAITAP TU LUYEN

Baid.  Xét vi tri tuong ddi cua cic cip duong thing sau:
=1+2t =5+t
@ d,:4x-10y+1=0 va d,: 1" @ d,:6x-3y+5=0va d,:{"
y=-3-2t y=3+2t
=—6+5t x=1-1 x=2+3
® d,:4x+5y-6=0vad,:]" @ d,: va d, ,
y=6-4t y=-2+42¢ y=—4-06¢t
=5+t
@dlz{x | vad,:x+y-5=0 ® d :x=2vad,:x+2y-4=0
y=-
@ d,:4x—y+2=0vad,:-8x+2y+1=0
Bai 5.  Bién ludn theo m vi tri twong d6i ciia hai duong thing:
@ d :mx+y+2=0 va d :(m-2)x+(m-6)y+m-1=0
@ d,:x+my+m+1=0  va dy:(m-4)x+(2m-3)y+m-5=0

Bai 6.  Cho phuong trinh tong quat ctia d :4x—y+5=0
@ Viét phuong trinh tham s6 cta d .

@ Tim m dé ii =(m+3;m—3) la mot VTCP clia d .

Bai7.  Cho duodng thing d:x+(m—3)y+2m—7=0.

@ Tim m dé d//A,, véi A, :mx+4y+m=0.
@ Tim m & d LA,,véi A, :2mx—3y+8m=0.

Bai8.  Cho dudng thing d:3x—my+1=0 va M (2; 1), N(-1; 2). Tim m dé d cat duong thang
MN tai A nam gifta hai diém M , N.

Bai9.  Cho hai dudng thang d :mx+(m—2)y+2=0 va d¢:(m+1)x+my+m—2=0. Tuy theo gid
tri cia m , hiy xét vi trf trong ddi ciia d va d’. Trong trudng hop chiing cit nhau tai A(x; y),
tim me Z dé x, y nguyén.

.. N A o x=1+1
Bai 10. Cho phuong trinh tham so cta d : (te R)
y=9+4¢
@ Viét phuong trinh tong qudt ctia d . @ Tim ¢ dé d diqua N(3; 5).
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Bai 11. Cho hai dudng thing: d, :{xizﬁ va d,
@ Viét phuong trinh téng quét cia d, va d,
Bai 12. Tim m dé ba duong thing sau dong qui:
@ d:y=2x-1 d,:3x+5y=8
@ d :y=-x+1 d,:y=x-1
®d:y=2x-m d,:y=-x+2m
@ d :5x+11y= 8 d,:10x-Ty=74

x=m+t x=2+mt

® d,:

(e

y=2-t y=m-2-t

x=1+43¢
y=-2-2t

{

. @ Tim toa do giao diém cua d, va d, .

:(m+8)x—2my=3m

W

((m+1)x—(m-1)y=m+1
imx—(m-1)y=2m-1

IS VIS VR S TN

tdmx+(2m-1)y=m+2

&

: Truc Ox
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TAI LIEU HOC TAP TOAN 10

Dang 3.Viét phutong trinh dubng thang dang co ban)

an an an

A AN
A. PHUONG PHAP GIAI
@ Phuong trinh tdng quét: d : Qua M (x,:3,) = PTTQ d:|A(x—x,))+B(y-y,)=
g g quat. a: VTPTﬁdz(A;B) : 0 Y=Y
. QuaM (x,; X=X, tut
(2 Phuong trinh tham s6: d : #( 0i%) = PTTS d: { * N (teR)
VICPii, = (u,;u,) Y=Yt
, QuaM (x,; —
(3 Phuong trinh chinh tic: d : (30:%) — PTCT d:|2—20 =2~ %o
VICPii, = (u,;u,) U, Uy
d 1 2
, QuaAl(a;0
@ Phuong trinh doan chin (PTPC: d : (:0) = PTDC: |2 +2 =1
Qua B(0;D) a b
® Qua 2 diém A(x,; y,) vd B(x,; y,):
VTICP: AB=(x,—x,:y,—y,) = PTCT d:|—"4 = Y=
Xp =X Vg™ a4
(® Phuong trinh qua 1 diém va biét hé sb géc (HSG:
Qua M (x,;y,)
d:{HSG‘k O = d:|y-y, =k(x—x,)
Chd y: d 6 hé s6 géc k = VTPT d: ii=(k;—1), VICP d : ii = (1;k)

Q”aM(xo;yo)
dll =0x

Q”aM(xo;yo)
d/l =0y

=d:|y-y,=0

@ Cuing phuong véi Ox d :{

=d:|x—x,=0

Cung phuong v6i Oy d :{

@ Qua diém M (x,; y,) va song song v6i A: Ax+By+C =0
v Cach1l: ¢ A:Ax+By+C=0 c6 VIPT i, =(A;B)
e Vidi/A=d c6 VIPT ii, =ii, =(A:B)
¢ PTTQ d: A(x—x,)+B(y—y,)=0
v Cach2: ¢ Vid//A:Ax+By+C=0=d:Ax+By+C'=0 (C'#C)
* d quaM(x;y,) ©Ax,+By,+C'=0=>C
@ Qua diém M (x,; y,) va vudng géc v6i A: Ax+By+C =0
v Cich1: ¢ A c6 VTPT ii, =(A;B) = VTCP i, =(B;—A)
* Vid 1L D=d c6 VIPT i, =i, =(B;—A)
¢ PTTQ d:B(x—x,)—A(y—y,)=0
v Ciach2:¢ Vid LA:Ax+By+C=0=>d:Bx-Ay+C'=0
* d qua M (x,;y,) © Bx,—Ay,+C’'=0=C"

@D Céc dang dac bi¢t khic: xem phﬁn t6m tét If thuyét.
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B. Vi DU MAU

VD 4.  Viét PTTQ, PTTS, PTCT (néu c6) cua dudng thé“ing A trong mdi trudng hop sau:
@ A qua M (2; 1) vacé vecto chi phuong & =(3; 4).
@ A qua M (-2; 3) vacé vecto phdp tuyén 7 =(5; 1).
@ A qua M (2; 4) vac hé sd géc k=2.
@ A qua M (1; 5) vatao véi truc Ox mdt gée 30°.
® A qua hai diém A(3; 5), B(6; 2).
® A qua M (5; 1) vasong song v6i d:x-3y=7=0.
@ A qua M (3; 7) va vudng géc v6i dudng thang d :2x—y+1=0.
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VD 5.  Trong mit phang toa dd Oxy, cho céc diém A(5; 1), B(3; -5), C(1;-3).
@ Viét phuong trinh tham s6 ctia dudng thiang d di qua hai diém A va B.
@ Lap phuong trinh chinh tic ciia duong thing A qua diém C va vudng géc voi dudng thang AB .

® Tim phuong trinh tong quét ciia dudng trung truc doan BC .

VD 6.  Trong mit phing toa dd Oxy, cho tam gidc ABC c6 A(-2;1), B(2;3), C(1; -5). Viét

phuong trinh dudng phén gidc trong cuia géc A cua tam gidc ABC .
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C.BAITAP TU LUYEN

Bai 13.  Viét phuong trinh tong quét, phuong trinh tham sb, phuong trinh chinh tic (néu c6) ciia dudng
thing A trong mdi truong hop sau:
@ A qua M (3; 4) va cé vecto phap tuyén 7i=(-2; 1).

@ A qua M (-2; 3) vacé vecto chi phuong i =(4; 6).
@ A qua M (-5;-8) vac6 hé sd géc k =-3.
@ A quahaidiém A(2; 1), B(—4; 5).

Bai 14.  Viét phuong trinh tong quét, phuong trinh tham sé, phuong trinh chinh tic (néu c6) ciia A di
qua diém A va c6 vécto chi phuong i :

®© A=0(0;0), u=(L-3) @ A(-23),u

(5;-1) ® A(3-1),u=(-2;-5)
@ A(2;0),u=(34) ® A(-12), 4 =(-4;6) ® A(L1), u=(L5)
@ A(2;-3), u=(4-1) A(-3;5),u=(0;-2) @ A(7;-3), u=(0; 3)

Bai 15.  Viét phuong trinh tong quét, phuong trinh tham s6, phwong trinh chinh tic (néu c6) ciia A di
qua diém A va c6 vécto phdp tuyén i :

@© A(0;1), i=(1;2) @ A(-2;3),1=(5-1) ® A(3:4),1=(4-3)
@ A(-1;2).7i=(-23)  ® A(1;3),7i=(3-4) ® A(3:-1), 7i=(-2:-5)
@ A(2:0), i =(~1;—1) A(1; 2), 7 =(5:0) ® A(7;-3), ii=(0:3)

Bai 16.  Viét phuong trinh tong quét, phuong trinh tham s6, phuong trinh chinh tic (néu c6) ciia A di
qua diém A va c6 hé sb géc k :

@ A(2;4), k=2 @ A(-31), k=2 @ A(-5:-8),k=-3
@ A(-3;1), k=3 ® A(5;2), k=1 ® A(-3;-5), k=-1
@ A(2;-4), k=0 ® A(-4;0), k=9 ©® A=0(0;0), k=4

Bai 17.  Viét phuong trinh tong quét, phuong trinh tham sé, phwong trinh chinh tic (néu c6) ciia A di
qua hai diém A va B:
@® A(2;1), B(—4;5) @ A(-2;4), B(1;0) ® A(5:;3), B(-2-17)

@ A(3;5), B(3:8) ® A(3;5), B(6;2) ® A(4;0), B(3;0)

Bai 18.  Viét phuong trinh tong quét, phuong trinh tham s6, phwong trinh chinh tic (néu c6) ciia A di
qua diém A va song song v&i dudng thing d :
© A(2;3),d:4x-10y+1=0@ A(5;7),d:x-2y+6=0 3 A(-1;2),d:5x+1=0

x=1-2t x=-1-3¢
@ A(-1;-7)),d:y-2=0 ® A(2:3),d: ® A(-5;3),4d:
@A(O;3),d:xT_1:y—+24 ® A(5; 2),d:’“{2:y—_22 © A(-1;2),d =0x
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Bai 19. Viét phuong trinh tong quat, phuong trinh tham s0, phuong trinh chinh tic (néu c6) ciia A di
qua diem A va vudng géc voi duong thang d :
@A( -1), d :3x-5y+2015=0 @ A(2,-3),d:x+3y-11=0
A(4;5),d:—x+5y—1=0 @ A(5;5),d=0x
A(—4;-1),d=0y ® A(-7;15),d:15x-3y+11=0
ALy —4), g 221 2*4 ® A(4—6),d: 2222
-1 2 3 —-10
x=2t x==2+t
@ A(1;0),d: © A(0;,7),d:
y=1-4¢ y=-—t
Bai 20. Trong mat phéng véi hé truc toa dd Oxy, cho AABC c6 céc dinh tuong ing sau. Hay lap:
@© A(L;-1), B(-2:1), C(35) @ A(2;0), B(2;,-3), C(0;-1)
® A(—4;5), B(-L1), C(6;-1) @ A(1; 4), B(3;,—-1), C(6;2)
® A(-1-1), B(1;9), C(%1) ® A(4;-1), B(-3:2), C(1;6)
Bai21. Cho AABC, biét phuong trinh ba canh cia tam gidc. Viét phuong trinh cic dudng cao AA’,
BB’, CC’ cua tam gidc do, véi:
@ AB:2x-3y-1=0, BC:x+3y+7=0, CA:5x-2y+1=0
@ AB:2x+y+2=0, BC:4x+5y-8=0, CA:4x-y-8=0
Bai 22. Viét phuong trinh céc canh va cdc trung truc cia AABC biét trung diém cia cdc canh BC,
CA, AB lan lugt la cic diém M , N, P voi:
@ M(1;1), N(57), P(-1;4) @ M (2;1), N(5;3), P(3;—4)
-3 -1 3 7
@M|2;,— |, Nl l,— |, P(l,-2 @ M| =2, N|=:3|, P(1,4
5 5| P(-2) 5 5 (1:4)
3 -5 5 -7
® M| —;— |, N|=;— |, P(2,—4) ® M (-1, -1), N(L9), P(9:1)
272 22
Bai 23.  Viét phuong trinh duong thing A di qua giao diém cua hai duong thing d,:2x—y+5=0,
d, :3x+2y—-3=0 va thoa mot trong cic diéu kién sau:
@ A diquadiém A(-3;-2)
@ A cung phuong véi duong thang d, : x+y+9=0
@ A vudng géc voi duong thang d, : x+3y+1=0.
Bai24. Chobadiém A, B, C.Biét A(l; 4), B(3;-1), C(6; 2)
@ Chang minh ring ba diém A, B, C la ba dinh cia mdt tam gidc.
@ Viét phuong trinh cdc canh cia AABC .
® Viét phuong trinh duong cao AH va trung tuyén AM .
Bai25. Cho AABC c6 trung diém cédc canh AB, BC, CA lanluot 1a M, N, va P.Biét M (-1;-1),
N(L9), P(91)
@ Viét phuong trinh cdc dudng trung tryc cia ba canh.
@ Tim toa d6 tim dudng tron ngoai tiép AABC .
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Dang 4. Phuvng trinh doan chin

AN

A. PHUONG PHAP GIAI

@ Duodng thang d cit truc Ox tai A(a; 0) va cit truc Oy tai

B(0; b) c6 phuong trinh la: i+%:1(:)bx+ay—ab:O d
a

@ Khi duong thing d cit Ox, Oy tai A, B c6 lién quan dén do b \
dai OA, OB, dién tich, chu vi tam gidc OAB thi ta dung dang A
phuong trinh doan chan. o “‘N
® Chu y:
> Khoang cich tir A dén truc Oy: OA =|a|
> Khoang cich tir B dén truc Ox: OB :|b|

> |a|=|p| & a* =b* & a=b holic a=-b

B.CACVIDY

VD 7.  Viét phuong trinh tong quét cia duong thang d qua A(4; 0) va B(0; 2).

VD 8.  Trong mit phang toa d6 Oxy, viét phuong trinh duong thang d di qua diém M (3; 4) va cat
tia Ox, Oy lan lugt tai A va B sao cho tam gidc OAB cantai O.

VD 9.  Viét phuong trinh dudng thing d di qua M (9; 1) sao cho d cit Ox tai A(a; 0), cat Oy tai
B(0; b), (a, b>0) théa OA+OB nhd nhit.
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C.BAITAP TU LUYEN

Bai 26.

Bai 27.

Viét phuong trinh tong quét, phuong trinh tham sd, phuong trinh chinh tic (néu c6) ciia A di
qua hai diém A va B:

® A(3;0), B(0;,-2) @ A(3;0), B(0;5)
@ A(0;4), B(-3;0) @ A(-2;0), B(0;-6)

Viét phuong trinh ctia dudng thing qua M va chan trén hai tryc toa do hai doan c6 do dai bang
nhau, voi:

@® M (—4;10) @ M (21) ® M (-3-2) @ M (2;-1)

Dang 5. ttheang cdch - Goc

an an an

AN

A. PHUONG PHAP GIAI

@ fhodng cdch:

@ Goc:

> Khoang cach tir diém M dén duong thang A 1a 6 dai doan vudng géc hatir M dén A
> Khoang cich tir M (x,,; y,,) dén A: Ax+By+C =0 la: M

MH:d(M,A)=|AxM+ByM+C| A ‘

VA +B? H

w Cha y: |d(M,0x)=1y, ||, |d(M,0y)=lx, |

> Khoang cdch giira hai dudng thing A va A, A M
@ Néu A, vd A, cit hodc tring nhau thi d (A;,A,)=0.

= Néu A, // A, thi: |d(A,,A,)=d(M,A,)=MH| véi M € (D,) 4 H

> Cho hai duong thang song song A va A,.
Biét A, : Ax+By+C =0 va A,: Ax+B,y+C,=0
Duong théng A, song song va céch déu A, va A, c6 dang:

Ax+By+%=0

> Cho A, : Ax+By+C,=0 c6 VIPT i, = (A B,)
A,:Ax+B,y+C,=0 c6 VIPT i, =(A,; B,)

.| |AA,+ BB,

COS(Al,A2)=COS¢: |ﬁ1||ﬁ2| - \/A12+Blz-\/A22+Bzz

w Chi ¥: 0°<(A,,A,)<90°.
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B.CACVIDU
VD 10. Tinh khoang céch tir M dén duong thing d trong cic trudng hop sau:
=1+4¢ —
@ M(3:1),d:d" @ M (3-1), d: L= 2*]
y=2-3t 2 3
@ M (3 5), d:4x+3y+1=0 @ M (1;-2), d:3x-4y-26=0

VD 11.  Tinh khoang cich giira hai duong thing: d :2x-3y-1=0vad,:6x-9y+19=0
VD 12. Tim m dé khoang cich giira hai dudng thing d, va d, bang 2, biét:
x=3+1t x=m+2t
d,: vad,: ,
y=—1-t y=2m—-1-2t
VD 13

d,:3x-2y-7=0.
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VD 14. Lap phuong trinh dudng thang d qua H (2; 1) va d céch diém A(4; 5) mot khoang 16n nht.

VD 15. Tinh géc giira hai duong thing d, va d, trong cac truong hop sau:

— =1-7t
@ d,:2x—y+5=0va d,:x—3y—-1=0 @dI:le:% va dzz{x )
y:

VD 16. Trong mit phang toa d Oxy, cho duong thing d :2x+y—-3=0.
@ Tinh géc giita hai dudng thang d va d’, biét d’ c6 phuong trinh x+3y+5=0.
@ Tim m d duong thing A:mx+ y+m—2=0 tao voi duong thing d mot géc 45°.
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C.BAITAP TU LUYEN

Bai 28.

Bai 29.

Bai 30.

Bai 31.

Bai 32.

Bai 33.

Bai 34.

Bai 35.

Bai 36.
Bai 37.

Bai 38.

Tim khoang cich giita hai duong thang:

® d,:Ax+By+C=0 va d,: Ax+By+C'=0
@ d,:48x+14y-21=0 va d,:24x+7y-28=0
® d :2x-3y-6=0 va d,:4x—6y+1=0

Tim céc khoang céch tir diém M dén duong thing A, véi:

@ M (3;-2), A:3x+4y—11=0 @ M (4-5),A:3x-4y+8=0
® A(3:5), Aix+y+1=0 @ M (4 -5), AL
;5), Acx - ;=5), A:
Y y=2+3t
@M(3;5),A:x;2:y7+1 ® M(-3;7), A:x=0
Tim bdn kinh ctia dudng tron tim 1 va tiép xic v6i duong thing A, voi.
@© 1(-2;-2), A:5x+12y—-10=0 @ 1(-53),A:2x—y+3=0

Cho hinh chit nhdt ABCD c¢6 phuong trinh hai canh la: 2x—3y+5=0 va 3x+2y—-7=0, dinh
A(2;-3). Tinh dién tich hinh chit nhét do6.

Tinh dién tich hinh vudng c6 bon dinh nim trén hai duong thing song song:
d :3x-4y+6=0, d,:6x—8y—-13=0

Cho AABC . Tinh dién tich AABC, voi:

© A(-1;-1), B(2;-4), C(4;3) @ A(-2;14), B(4,-2), C(5;-4)

Tim géc giita hai duong thang d, va d, trong cac truong hop sau:

@ d;:2x-y+3=0vad,:x-3y+1=0 @ d :Tx-y-4=0vad,:3x-4y+3=0
® d:y=-3x+2=0vad,:y=2x-5 @ d:x-2y-1=0vad,:x+3y+11=0
® d :2x-y-4=0vad,:3x+y+3=0 ® d,:3x-Ty+1=0vad,:2x+5y-13=0

Tinh s6 do cua cic géc trong AABC , véi:

©® A(-3;-5), B(4,-6), C(3; 1)

@ A(L; 2), B(5; 2), C(1;-3)

® AB:2x-3y+21=0, BC: 2x+3y+9=0, CA:3x-2y-6=0

@ AB:4x+3y+12=0, BC:3x—-4y-24=0, CA:3x+4y—-6=0

Trong mat phang toa do Oxy, cho hai duong thang va. Tim m dé géc tao boi d, va d, bang 60°.
Cho hai dudng thing d va A. Tim m dé géc giira hai duong thing d6 bang o :

@ d:2mx+(m—3)y+4m—1:O,A:(m—l)x+(m+2)y+m—2=0,0(=45°

@ d:(m+3)x—(m-1)y+m-3=0,A:(m—-2)x+(m+1)y—-m—-1=0, ¢ =90°

@ d:mx+2y=0, A:3x+my+1=0, a=45°.

Viét phuong trinh duong thang d di qua diém A va tao v6i duong thang A mot géc o, véi:
@© A(6; 2), D:3x+2y-6=0, @=45° @ A(-2;0), D:x+3y-3=0, a=45°

® A(2;5), D:x+3y+6=0, =60° @ A(l; 3), D:x—y=0, a=30°
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Dang 6. Cach ldp phuong trinh dubng thang

lién quan dén géc va khodng cdach
A. PHUONG PHAP GIAI

@ Dang 1: 1Gp phuvng trinh dutng thang di qua diém M (x,;y,) va cdch diém 4 (x,;:y,,)
mét khodng bang h cho trubc:
> Cich 1: Dung phuong trinh tong quat:
v Budc 1: PTTQ cla dudng thang d qua M (x,y,) va ¢ VIPT ii=(a;b) c6
dang: a(x—x,)+b(y—y,)=0 (v6i a*+b*> #0)
a(x,—x,)+b(y,— 5
v' Budc 2: d(A,d):‘ (3, \/0)27(2))/4 yO)‘ = h thu gon dua vé phuong trinh chira
a +b

avab,trddéchon a vatim b .

> Cach 2: Dung phwong trinh c6 hé sé géc k:
v’ Bude 1: Phuong trinh dudng thang d qua M (x,;y,) va c6 hé sb géc k c6 dang:

Y=Y :k(x—xo)<:>k(x—x0)—y+y0 =0
‘k(xA_xo)_)’A"'yo‘

Ja’ +b?

v" Budc 3: Truong hop d qua M va song song truc Oy thi d:x=x,

v Budc2: d(A,d)= = h giai phuong trinh, tim & .

Tinh d (A;d), néu bang A thinhan x = x,, nguoc lai loai.

2 Dang 2: 1Gp phuvng trinh duing thang d di qua diém M(x,:y,) va tao véi duing
thing d’: fix + By +C = 0 mét géc o:

» Céach 1: Dung phuong trinh tong quat:
v Bude 1: PTTQ clia dudng thang d qua M (x,y,) va ¢ VIPT ii=(a;b) c6
dang:
a(x—x,)+b(y—y,)=0 (v6i a* +b*> #0)

A+bB

v/ Budc 2: cos(d,d’)= |a hl |
Ja* +b> A + B
chira a va b, tir 6 chon a va tim b.

=cosa thu gon dua vé phwong trinh

> Cach 2: Dung phwong trinh c6 hé sé géc k:
v/ Budc 1: Phuong trinh duong thing d qua M (x43¥,) vacohé s6 géc k ¢6 dang:
Y=Y :k(x_xo) <:>k(X—x0)—y+y0 =0
kA + B|

VK +1N A% + B
v" Budc 3: Truong hop d qua M va song song truc Oy thi d:x=x,

v/ Budc 2: cos(d,d’)=

= cos ¢ giai phuong trinh, tim & .

Tinh cos(d;d’), néu bang cose thinhan x = x,, ngugc lai loai.
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B.CACVIDY

VD 17.  Lap phuong trinh dudng thang d qua A(3;4) va cich B(-1;1) mot khoang bang 4.

VD 19. Lap phuong trinh dudng thing d qua A(1;3) va tao v6i dudng thing A: x—y-3-2=0

mdt géc 30°.

VD 20. Cho AABC cin c6 canh ddy BC:2x—y—2=0, canh bén AB:x+y=4. Viét phuong trinh
canh AC, biét AC di qua diém N (0;5).
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C.BAITAP TU LUYEN

Bai39. Cho dudng thing d:3x—2y+1=0. Viét phuong trinh dudng thing & di qua diém M (1;2) va
tao voi d mot goc 45°.

Bai40. Cho AABC céntai A. Biét canh BC:2x-3y—5=0 va AB:x+y+1=0. Viét phuong trinh
canh AC biét rang n6 di qua M (1;1).

Bai41. Cho hinh vudng ABCD c6 tam I(4;—1) vi canh AB:x+2y—1=0. Hay viét phuong trinh hai
dudng chéo cua hinh vudng.

Bai 42.  Viét phuong trinh d di qua diém M (2;7) va cdch diém N (1;2) mot khoang bang 1.

Bai 43.  Viét phuong trinh dudng thing d qua M va céch déu hai diém P, Q voi:
® M (2;5), P(-1;2), O(5:4) @ M (1;5), P(-2;9), 0(3;-2)
® M(2;2), P(L;1), O(3;4) @ M (1,2), P(23), 0(4-5)
® M (10;2), P(3;0), O(-5:4) @ M (2;3), P(3-1), 0(3%5)

Bai44. Cho hai duong thing x—3y+10=0, 2x+y—8=0 va diém P(0;1). Tim phuong trinh dudng
thing di qua P va cat hai duong thing da cho tai hai diém sao cho P 1a trung diém cua doan
thang ndi hai giao diém do.

Bai 45. Viét phuong trinh dudng thing d song song va cich duong thing A mot khoang bang h , voi:

=3¢
D A:2x—y+3=0,h=+5 @ A" h=3
y=2+4¢
® A:y-3=0,h=5 @ A:x-2=0,h=4
Bai 46.  Viét phuong trinh dudng thang d song song véi dudng thing A va cich A mot khoang bang
h, voi:
@© A:3x—-4y+12=0, A(2;3), h=2 @ A:x+4y-2=0, A(-2;3), h=3
® A:y-3=0, A(3;-5), h=5 @ A:x-2=0, A(31), h=4
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Dang 7. Tim hinh chiéu va diém d6i xithg

an an an

DA

A. PHUONG PHAP GIAI

@ Hai diém A, A" d6i xting nhau qua diém I < I 1a trung diém AA’.

v Cich 1: Dang hinh chiéu:
o Budc 1: Viét phuong trinh duong thing A qua A va A Ld .
. dio.. . .
trinh: A gidi h¢ tim H .

v' Céch 2: Dung phuong trinh tham sé: I _
o Budc 1: Chuyén d vé dang tham s.

o X =x,tat
Giasu: d:
y =y, +bt
o Bu6c2: Goi H lahinhchiéucia A 1én d = H (x,+at;y, +bt)
o Budc 3: Tinh toa do ﬁz(x0+at—xA;y0+bt—yA)
o Bu6c4: d ¢6 VICP i, =(a;b)
Tacé: AH Lii, = AH.ii, =0
Sa(x,+at—x,)+b(y,+bt—y,)=0 (¥)
Giai (*) tim 7 suyra H .
> Cdch tim diém ¢’ la diém déi xithg véi diém A qua d :
v/ Budc 1: Tim hinh chiéu H coa A én d (tim nhu trén)

v/ Budc 2: Vi A” 1a diém d6i xtg voi A qua d nén H 1a trung diém AA’

Xy =2X, —X
:{ A T = A
yA’:zyH_yA

A: =I =A' A
@ Cho diém A va duong thing d . W H
> Cdch tim diém H la hinh chiéu cia 4 lén d: A

o Budc 2: Goi H 1a hinh chiéu cua A 1én d. Toa d0 H 1a nghi€ém hé phuong

B.CACVIDY

VD 21. Cho dudng thang d:x+2y-7=0 vadiém A(-5;3), B(4:4).

@ Tim diém K 13 hinh chiéuctia A 1én d. @ Tim diém I 12 hinh chiéu cia B 1én d .
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VD 22. Timdiém A" d6i xtmg v6i A(-2;3) qua duong thang d:4x—-5y—-18=0.
C.BAITAP TU LUYEN
Bai47. Cho d:3x-2y+5=0 va diém M (—4;3). Tim hinh chiéu / cia diém M Ién d. Tl d6 tim
diém M’ d6i xtmg voéi M qua dudng thing d .
Bai48. Cho E(5;14) va F(13;-32).
@ Tim E’ d6i xtmg véi E qua tryc Ox . @ Tim F’ d6i xtmg véi F qua truc Oy .
Bai49. Cho A(4;2) va B(-1;-3), d la dudng thang qua A va song song véi truc Ox, A la dudng
thing qua B va song song véi truc Oy .
@ Tim A’ d6i xtmg véi A qua tryc d . @ Tim B’ dbi xtg véi B qua truc A.
Bai50.  Tim hinh chiéu ciia M 1én duong thing d va diém M~ ddi ximg voi M qua duong thiang d , voi:
@ M(21),d:2x+y-3=0 @ M (3;-1), d:2x+5y-30=0
@M (41),d:x-2y+4=0 @ M (-5;13), d:2x-3y-3=0
Bai 51. Cho duong thing d:2x+y—4=0 va 2 diém M (3;3), N(-5;19). Ha MK 1 d va goi P 1a
diém d6i xtng cia M qua d .
@ Timtoadd cua K va P.
@ Tim diém A trén d sao cho AM + AN c6 gi tri nh6 nhét va tinh gi4 tri nho nhét do.
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Dang 8. Phutong trinh dwong thang doi xithg

an an an

DA

A. PHUONG PHAP GIAI

@ Bdi todn I: Cho diém 1 va duing thdng d : ax+by +c =0. Viél phubng trinh dutng
thang d’ déi xithg véi d qua 1
% Co s6 ly thuyét:
v d’ d6ixtmg véi d quatim I =d'// d.
v d(l,d)=d(1.d).

< Phuong phdp gidi:

v Cich 1: » Lay A(x,;,)ed (cho x,=...= y,)
+ Tim A" d6i xing v6i A qua I dung toa do trung diém)
* d qua A'(x,,y,) vad/lld
=d:a(x-x,)+b(y-y,)=0

v Cich2:¢ Vid dbixing véi d qual =d I/ d

=d :ax+by+c =0 (¢’ #c¢)

¢ d(1,d)=d(1,d")

Giai phuong trinh nay tim ¢ = phuong trinh d”.

2 Bai todn 2: Cho hai duing thing d va A. Viét phuong trinh duting thdng d’ d6i xihg véi d

qua A.
2 €9 5§ Iy thuyét: d —p—
v Néu d//Athid, d, Ala3 duong thing song song va A .
céch déu. d—&a

Khi d6 ta c6: d(d,A)=d(d’,A).

v Néu d cit A tailthi d’, d vd A dong quy tai I va A
la dwong phan giac cia goc tao béi 4 va d’. Do d6
néu lday Med va M’ed’ sao cho M’ ddi xting véi
M qua Athi Med'.

< Phuong phdp gidi:
. d Ild

v Néud//A: ,

d(d,A)=d(d’,A)

v Néu d cit A tai I:

Tim giao diém 1

Ly diém M e d

Tim M’ dbi xtmg véi M qua A
Viét d’ qua hai diém I va M’

*
*
*
*
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B.CACVIDY

VD 23. Cho dudng thang A:2x—-3y+6=0 va diém I(1;-3). Tim phuong trinh dudng thang A" ddi

xung voi A qua [ .

VD 24. Tim phuong trinh duong thing A, ddi xtng véi A, :2x—-3y+1=0 qua A:2x-3y+6=0.

VD 25. Cho d:x+y-1=0 va diém A(-3;0), B(—4;—4). Tim dudng thang A ddi ximg véi duong
thing AB qua d .

C.BAITAP TU LUYEN

Bai 52. Lap phuong trinh dudng thing ¢’ d6i ximg v6i d qua dudng thang A, véi:
@ d:2x—y+1=0, A:3x—-4y+2=0 @ d:x-2y+4=0, A:2x+y-2=0
@ d:x+y-1=0, A:x-3y+3=0 @ d:2x-3y+1=0, A:2x-3y—-1=0
Bai 53. Cho diém M (2;5) va duong thang d: x+2y-2=0.
@ Tim toa do diém M~ dbi xting véi M qua d .
@ Viét phuong trinh duong thang d” dbi xtng véid qua M .
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Dang 9. Bai lodn phén gidc

an an an

XA

A. PHUONG PHAP GIAI

¢ Cho A :Ax+By+C =0vaA,:Ax+B,y+C,=0.

Phuong trinh hai phin gidc cua cdc goc tao boi A, va A, c6 dang:
|Ax+By+C| |Ax+B,y+C,|
VA + B’ - VA +B; 4
Ax+By+C _ Ax+B,y+C, (d,)
JA + B Ja+s 1
Ax+By+C, __A2x+Bzy+C2

Ja+s  JA B

@ Bai todn 1: Phén biét phén gidc géc nhon, géc tik:

Hay

(4,)

> Goin,=(A ;B)van,=(A,;B,) a2 VIPT cua A va A,
> Tinh 7.7, , néu:

+ n,.n, >0 thi:® d, 1a phan gidc cua goc tu,
¢ d, 1a phin giic cua goéc nhon.
+ 7., <0 thi: ¢ d, 1a phan gidc cua géc nhon,
¢ d, 1a phin giac cua goc tu.
(2 Bdi todn 2: Phdn biél phén gidc géc trong, géc ngodi tai C clia AABC:
> Cach 1: ¢ Tinhxem C = (a,@) la géc th hay nhon.
¢ Tir d6 phan biét phan gidc géc nhon godc tu gitra 2 dudng thing CA, CB.
¢ Két luan phan gidc nao ing véi gée C.
» Cach 2:

¢ Lap phuong trinh 2 duong phan gidc A, va A, cua géc
gitra hai canh CA, CB.

¢ Néu A va B nam khac phia d6i véi A, thi: 4
v" A, 1a phan gidc trong cta géc C \ fl
v A, 1a phan gidc ngoai ciia géc C A=
¢ Néu A va B ndm cling phia d6i v6i A, thi: -~ ¢ \

v" A, 1a phan gidc ngoai ciia géc C

v" A, 1a phan giéc trong cta géc C
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3 Bdi todn 3: Cho d,:ax+by+c,=0 va d,:a,x+by+c,=0 cat nhau chia mdt

phiing thanh ¥ géc va diém M nam ¢ mét trong 4 géc do. ’I/Letplumhqtl'mhdtwhqphan

gidc aia géc chita diém M:

> Kiém tra d6i v6i duong thing d,, mién chira diém M mang
diu gi ? Bang cich tinh f, (M )=ax+by+c,.

> Kiém tra d6i v6i duong thang d,, mién chita diém M mang

diu gi? Bang cich tinh f, (M )=a,x+b,y+c,.
> Tinh f,(M)x f,(M). Néu:
e f(M)xf,(M)>0 thi phuong trinh phin gidc cta gbc chira M la:
A1x+Bly+C1 Ax+Bzy+C
VA +B] VA +B;

e f(M)xf,(M)<O0 thi phuong trinh phin gidc cta géc chira M la:

Ax+By+C, __A2x+Bzy+C2
VA + B} VA +B;
@ Bdi todn 4: Tim tam dubng tron néi tiép ciia lam gidc ABC:
> Viét d, 1a duong phan gidc trong cua géc A

> Viét d, la duong phan gidc trong cua géc B
= Tam I ctia dudng tron ndi tiép AABC la giao diém cia d, va d, .
® Bai lodn 5: Qui tich cdc diém M cach déu 2 dutng thing d;, d»:

Nhic lai: “Tap hop cic diém cach déu 2 duong thang la duong phan gidc ciia cdc géc tao
boi 2 duong thang d6.”

B.CACVIDY

VD 26. Viét phuong trinh duong phan gidc cia géc gita hai duong  thing
d:x+y-1=0, d,:7x—y+3=0. Chi rd duong nao 1a phan gidc géc nhon ? Dudng nao 1a

phan giac géc tu ?
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VD 27. Cho AABC c6 A(-1;-2), B(2;1), C(9;0). Viét phuong trinh dudng phan gidc ciia géc trong
16n nhat cia AABC.

VD 28. Cho 2 dudng thang d:3x+4y—10=0 va d’:8x+6y+1=0 va diém M (3;-1). Viét phuong
trinh cdc dudong phan gidc cua goc gitta d, d’. Chi rd duong nao 1a phan gidc cua géc chira
diém M ?

VD 29. Cho AABC c6 phuong trinh choa cic canh AB:x-y+4=0, AC:7x+y-12=0,
BC:x+y=0. Tim tim dudng tron ndi tiép AABC .
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VD30. Tim tap hop cdc diém M (x;y) cich déu 2 duong thang d:3x+4y+5=0 va
d :3x+4y-1=0.
C.BAITAP TU LUYEN
Bai 54.  Viét phuong trinh dudng phén gidc ctia géc nhon tao boi hai dudng thing:
@ d;:3x-4y+12=0,d,:12x+5y-7=0 @ d,:x-y+4=0,d,:x+7y-12=0
® d,:3x+4y=0,d,:12x-5y-3=0 @ d :2x+y+3=0,d,:4x-5y-7=0
Bai 55. Tim toa d tdm va ban kinh ctia duong tron ndi tiép tam gidc tao bdi hai truc toa d6 va duong
thang c6 phuong trinh 8x+15y—120=0.
Bai 56. Cho AABC . Tim tdm va ban kinh dudng tron noi tiép tam gidgc ABC, véi:
© A(-3;-5), B(4;-6), C(31)
@ A(1;2), B(5:2), C(1;-3)
® AB:2x-3y+21=0,BC:2x+3y+9=0, CA:3x-2y-6=0
@ AB:4x+3y+12=0, BC:3x-4y-24=0, CA:3x+4y—-6=0
Bai 57. Cho AABC biét A(2;6), B(-3;—4), C(5;0). Viét phuong trinh dudong:
@ Phan gidc trong cua géc A. (@ Phan gidc ngoai cua géc A.
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Dang 10. Bdi todn tim diém trén duong thang. Mét ithg dung cia
phuong trinh tham sé

an an an

DA

A. PHUONG PHAP GIAI

Bai lodn: " Tim diém M trén dutng tIu%nqd aé...
e Néu d cho duéi dang tham sé: d : {x ~ ol (te R)
y=y,+at
thi Med=>M (xo +at;y, +a2t)
e Néu d cho duéi dang téng quit: ax+by+c=0
v Cach 1: Chuyén d vé dang tham sb rdi 1am nhu trén.
v' Céach 2: Chon x (hodc y) lam tham s 01 it y (hoac x) theo x (hoac y ) ta duoc
toa do diém M .
Vidu: ¢ Med:2x-y+3=0=>M (m;2m+3), me R

o Bed:x+3y-7=0= B(7-3b:b),beR

Mich nho: ta nén chon tham s tring véi tén diém cho dé nhé, chang han nhu diém
M tachon m, diém B tachon b, ...

B.CACVIDY

VD 31. Cho hai dudng thang d:2x—y-3=0, d":x+3y—1=0 va diém 7(3;0). Tim duong thing A
qua I saocho A cit d va d’ lanluottai A, B.
@ IA=1IB @ IA=4IB
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VD 32. Cho dudng thing d:x—y+2=0.
@ Tim M ed cichdéu A:7x+y-8=0, A:x+7y-8=0.

@ Cho A, B 1a2 diém cb dinh trén d’:2x— y+9=0, biét doan AB=2/5. Tim M e d sao
cho dién tich AMAB bang 5 don vi.

C.BAITAP TU LUYEN

se .2 NP 2 x=1+1
Bai 58. Cho diém A(1;2), B(3;2) va duong thang d : (te R)
y=9+4¢
@ Tim M € d saocho AM =36.

@ Tim N e d sao cho BN nhé nhat. Tim GTNN d6.

Bai 59. Cho hai diém A(2;2), B(5;1). Tim diém C trén A:x-2y+8=0 sao cho dién tich tam gidc
ABC bang 17 don vi.
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Dang 11. Gidi cdc bai todn vé dutng trong tam gidc

an an aw

DA

A. PHUONG PHAP GIAI

1. {odi I. Cho canh BC va phutong trinh hai dung caoBB’, CC':
v Tim B=BCNBB', C=BCNCC’
v Viét AB:qua B va AB L CC’
v Viét AC:qua C va AC L BB’
v Xacdinh A: A=ABNAC

2. Toai 2. Cho diém 11 v phutong trinh hai ditng cao BB, CC: A(x:)
v Viét AB:qua A va AB L CC’
v Viét AC:qua A va AC L BB’

v’ Xac dinh B, C:
B=BCnNBB,C=ACNCC’

3. Toai 3. Cho diém 1 va phuong trinh hai dutng trung tuyén BM, CN:

v Tim C:
» MeBM = M c6toadd theo tham sb 7
= M latrung diém AC = toadd C theo ¢ A(x;y)
* Thaytoadd C vao CN =t=C

v Tim B:
* NeCN= N c6toadd theo tham sb ¢’
= N latrung diém AB = toa dd B theo ¢’ B C
» Thay toa do B vaio BM =t = B

4. Qoai 4. Cho diém A va phuong trinh hai dutng phén gidc BD, CF:
v Goi A’ dbi xting véi A qua BD
= A’e BC.Tim A’
v’ Goi A” @diximg vdi A qua CF
= A”e BC.Tim A”
v’ Viét phuong trinh canh BC
v Xdcdinh B, C: B=BCABD, C=BCACF . I

w Chut = Céc bai todn cho két hop giita duong cao, phan gidc, trung tuyén déu dua vio

cac giai cac bai toan trén.

B.CACVIDY

VD 33. Trong mit phing toa dd Oxy, cho tam gidc ABC biét A(2;2) va dudng cao ké tir B ¢6
phuong trinh x+ y+2=0. Viét phuong trinh canh AC cta tam gidc di cho.
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VD 34. Trong mit phang toa dd Oxy, cho tam gidc ABC véi dinh A(1;1). Cdc dudng cao ha tir B va
C lan luot 1 d :2x—y+8=0va d,:2x+3y—6=0. Lap phuong trinh dudng cao ha tir A va

x4c dinh toa d6 cac dinh con lai cia tam gidc ABC .

VD 35. Trong mit phing toa d6 Oxy, cho tam gidc ABC c6 dinh A thudc duong thing
d:x—4y—-2=0, canh BC song song v&i d va duong cao v& tou B cé phuong trinh
x+ y+3=0. Tim toa do cdc dinh A, B, C; biét diém M (1;1) 1a trung diém canh AC.
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VD 36. Trong mat phéng toa do Oxy, cho tam gidc ABC c¢6 dinh C (—1; - 2) , duong trung tuyén ké tur
A va duong cao ké tur B 1an luot c6 phuong trinh 1a 5x+y—-9=0 va x+3y—-5=0. Tim toa
d0 cac dinh A va B.

VD 37. Trong mit phang toa dd Oxy, cho tam gidc ABC biét dinh A(3;9) va phuong trinh cic duong
trung tuyén ké tr B va C lan luot 1a 3x—4y+9=0 va y—6=0. Tim toa do hai dinh con lai

cua tam gidc ABC'.

VD 38. Cho AABC, biét phuong trinh canh BC va hai duong cao BB va CC’ lan luot la
4x+y-2=0;5x-4y-15=0; 2x+2y-9=0. Viét phuong trinh cic canh AB, AC.
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VD 39. Cho AABC, biét dinh A (3;0), phuong trinh hai dwdong cao BB" va CC’ lan luot la
2x+2y-9=0; 3x—12y—-1=0. Viét phuong trinh cic canh cta tam gidc do.

VD 40. Cho AABC, biét dinh A(1;3), phuong trinh hai dudng trung tuyén BM va CN lan luot 1

x-2y+1=0; y—1=0. Viét phuwong trinh cc canh cta tam gidc d6.

VD 41. Cho AABC, biét dinh A(1;3), phuong trinh hai dudng trung tuyén BM va CN lan luot 1a

x-2y+1=0; y—1=0. Viét phuwong trinh cc canh cta tam gidc dé.
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VD 42. Trong mit phing toa do Oxy, cho tam gidc ABC c6 dinh B(2; -1), duong cao qua A va
duong phan gidc trong cua géc C c6 phuwong trinh lan luot 1a 3x—4y+27=0 va
x+2y—-5=0.Timtoado cua A va C.

VD 43. Trong mit phing toa dd Oxy, cho tam gidc ABC c6 dinh A(1; 2), duong trung tuyén vé tir B
va duong phdn gidc trong ctia géc C ¢6 phuong trinh Ian Iugt 1a 2x+ y+1=0 va x+y—1=0.
Lap phuong trinh duong thing BC .

VD 44. Trong mit phang toa do Oxy, cho tam gidc ABC biét dinh A(~1; 5), dudng trung tryc clia
doan AC va dudng phan gidc ngoai cia B c6 phuong trinh lan Iugt 1a x+2y—3=0 va

x—3y+2=0. Tim toa do cic dinh con lai cia tam gidc ABC .
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C.BAITAP TU LUYEN

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Bai 64.

Bai 65.

Cho AABC, biét phuong trinh mot canh va hai dudng cao. Viét phuong trinh hai canh con lai,
voi:

@ BC:5x-3y+2=0, BB :4x-3y+1=0, CC":7x+2y—-22=0

@ BC:x-y+2=0, BB :2x-7y-6=0, CC":7x-2y-1=0

® BC:5x-3y+2=0, BB :2x—y-1=0, CC":x+3y-1=0

Cho AABC, biét toa 46 mot dinh va phuong trinh hai dudng cao. Viét phuwong trinh céc canh
cua tam gidc do, voi:

@ A(1;0), BB :x-2y+1=0, CC":3x+y-1=0

Cho AABC, biét toa @6 mot dinh va phuong trinh hai dudng trung tuyén. Viét phuong trinh céc
canh cda tam gidc d6, voi:

©® A(39), BM :3x-4y+9=0,CN:y-6=0

Cho AABC, biét phuong trinh mot canh AB va hai dudng trung tuyén AM , BN . Viét
phuong trinh hai canh con lai, véi:

@ AB:x-2y+7=0, AM :x+y-5=0, BN:2x+y-11=0

@ AB:x-y+1=0, AM :2x+3y=0, BN:2x+6y+3=0

Cho AABC, biét phuong trinh hai canh AB, AC va toa do trung diém M cua canh thr ba.
Viét phuong trinh canh thir ba, voi:

@ AB:2x+y-2=0, AC:x+3y-3=0, M(—l;l)

@ AB:2x-y-2=0, AC:x+y+3=0, M (3;0)

@ AB:x-y+1=0, AC:2x+y-1=0, M (2;1)

@ AB:x+y-2=0, AC:2x+6y+3=0, M (-1;1)

Cho AABC, biét toa dd mot dinh A, phuong trinh mot dudng cao BH va phuong trinh mot
dudng trung tuyén BM . Viét phuong trinh cdc canh cua tam gidc do:

© A(4;-1), BH :2x-3y+12=0, BM :2x+3y=0

@ A(2;-7), BH :3x+y+11=0, CN: x+2y+7=0
® A(0;-2), BH :x-2y+1=0, CN:2x—y+2=0

@ A(-1;2), BH :5x-2y-4=0, CN:5x+7y-20=0
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Dang 12. Gidi cdc bai todn vé dutng thang lién quan dén bt gidc

XA

A. PHUONG PHAP GIAI

Str dung céc tinh chét vé canh, géc, dudng chdo va tinh chat di ximg ciia céc tir gidc dac biét.

B.CACVIDY

VD 45. Trong mit phang toa do Oxy, cho hinh binh hanh ABCD c6 dinh A(4; —1) va phuong trinh
céc duong thang BC va BD lan luot 13 x—3y=0 va 2x+5y+6=0. Tim toa do 3 dinh con
lai cua hinh binh hanh ABCD .

VD 46. Trong mit phiang toa d Oxy, cho hinh binh hanh ABCD c6 phuong trinh cdc dudng thing
AB va AD lan luot 1a x—3y—2=0 va 2x+5y+7=0. Viét phuong trinh duong thing BC
biét I (1; 2) 1a tAm hinh binh hanh ABCD.
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VD 47.

Trong mit phing toa dd Oxy, cho hinh binh hanh ABCD c6 dién tich bang 4. Biét hai dinh
A(1;0), B(0;2) va giao diém I cua hai duong chéo nim trén duong thang y = x. Tim toa do
cicdinh C va D.

Trong mit phang toa dd Oxy, lap phuong trinh céc duong thing AB va AD ciia mot hinh
vuong ABCD biét A(—4; 5) va phuong trinh dudng thang BD 1a 7x—y+8=0.

C.BAITAP TU LUYEN

Bai 66.

Bai 67.

Bai 68.

Trong mat phéng toa d0 Oxy, cho hinh chit nhat ABCD c¢é dién tich bﬁng 12, 1 (%, %j Ia

giao diém hai dudng chéo va M (3; 0) la trung diém canh AD . Tim toa do cic dinh ctia hinh
chir nhat da cho, biét dinh A c6 tung d6 duong.

Trong mit phang toa d Oxy, cho hinh chit nhdt ABCD biét AB va BD c6 phuong trinh lan
lugt Ia x—2y+1=0 va x—7y+14=0, dudng chéo AC di qua diém M (2;1). Tim toa do céc

dinh cta hinh chir nhat.

Trong mit phang toa dd Oxy, cho hinh chir nhat ABCD c¢6 tam [ (%, Oj , phuong trinh dudng

thing AB 1a x—2y+2=0 va AB=2AD. Tim toa do cic dinh ciia hinh chit nhat ABCD, biét

rang dinh A ¢6 hoanh d6 am.
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Dang 13. Dién tich tam giac

an an aw

DA

A. PHUONG PHAP GIAI

Cho tam gidc ABC biét toa d6 3 dinh. Tinh dién tich tam gidc ABC.

Phwong phap: A

e Viét phuong trinh duong thing BC (néu chua c6). AH =d(A,BC)
e Tinh d(A,BC) vatinh BC.

. SAABC=%AH.BC:%BC.d(A,BC). B H C

B.CACVIDY

VD 49. Trong mit phing toa dd Oxy, cho tam gidc ABC biét cic duong thing AB, BC, CA c6
phuong trinh 1an lwgt 1A x—y—2=0, 3x—y+5=0, x—4y—1=0. Tinh dién tich AABC.

VD 50. Trong mit phang toa do Oxy, cho AABC c6 A(2;5), B(4;,-3), C(0;1). Tinh S, -
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VD 31.

Trong mit phang toa do Oxy, cho tam gidc ABC c6 dinh A(0; 1) va dudng cao vé tir B va C
¢6 phuong trinh 1an lwgt 13 2x—y—1=0 va x+3y—1=0. Tinh dién tich tam gidc ABC.

C.BAITAP TU LUYEN

Bai 69.

Bai 70.

Bai 71.

Bai 72.

Bai 73.

Trong mit phang toa do Oxy, cho tam gidc ABC biét dinh B(1; 3), duong trung tuyén va
dudng cao ciing v& tir A c¢6 phwong trinh l4n lwot 1 y=1, x—2y+3=0. Tinh dién tich tam
gidc ABC.

Trong mit phang toa d6 Oxy, cho tam gidc ABC biét dinh C(-2;-4), M (2;0) la trung
diém doan BC va G(0; 4) 1a trong tdm tam gidc ABC . Tinh dién tich tam gidc ABC.

Trong mit phang toa dd Oxy, cho tam gidc ABC biét hai dudng thing AB va AC lan luot c6
phuong trinh x—y—-2=0 vd 2x+6y+3=0. Tinh dién tich tam gidc ABC, biét diém
M (-1;1) la trung diém doan BC.

Trong mit phang toa dd Oxy, cho tam gidc ABC biét hai dudng thing AB va AC lan luot c6
phuong trinh 2x—3y+1=0 va 4x+y—5=0. Tinh dién tich tam gidc ABC, biét diém
G (3; 5) la trong tam tam gidc ABC .

Trong mit phang toa dd Oxy, cho tam gidc ABC biét hai dudng thing AB va AC lan luot c6

phuong trinh 5x—2y+6=0 va 4x+7y—21=0. Tinh dién tich tam gidc ABC, biét gbc toa dd
la tryc tdm tam gidc ABC .
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Dang 4. Tim diém M trén duong d théa diéu kién

an an an

AN

A. PHUONG PHAP GIAI

Bai todn 1: Cho diém A, B va duong thing d. Tim diém M € d sao cho MA+MB
nhé nhit.

I. Trutng hop I: Hai diém A va B néim khdc phia d6i véi d: 4

e Med= Toaddcia M dang tong quit.
e Ap dung bt ding thic trong tam gidc, ta c6: MA+MB > AB M,

Diu “=" xay ra < M =M, d M \

& M, A, B thing hang = M 1a giao diém cua d va AB. B

2. Trutng hop 2: Hai diém A va B nam ciing phia déi véi d:
e Med= Toaddcua M dang tong quat.

e Goi A’ 1a diém dbi xtng véi A qua d .

N- -\ = -
<
oy

e Ap dung bt ding thic trong tam gidc, ta c6:
MA’+MB>A'B< MA+MB > A'B
= (MA+MB) < (MA+MB)=A'B

min

Ny
> \\"'
=

Diu “="xayra @M =M,
& M, A, B thing hang = M 1a giao diém cua d va A'B.

Bai toin 2: Cho diém A, B va dwong thing d. Tim diém M € d sao cho |MA—MB

16n nhit.

1. Trutng hop I: Hai diém A va B ndm khdc phia déi véi d:
e Med= Toaddcia M dang tong quit.
e Ap dung bt ding thic trong tam gidc, ta c6:

MA-MB|<AB < |MA—-MB| =AB d M,
max M

Diu “="xayra @M =M,
& M, A, B thing hang = M 14 giao diém cta d va AB.

2. Trutng hop 2: Hai diém A va B nam ciing phia déi véi d:
e Med= Toaddcia M dang tong quit.

A
e Goi A’ 1a diém dbi xtng véi A qua d . /\
e Ap dung bét ding thirc trong tam gidc, ta c6: M{ o M,

a
IMA'~ MB| < A'B < |MA—MB|< A'B

|MA-MB| < |MA'-~MB| =AB A

Dau “=" xayra &M =M,

& M, A, B thang hang = M 1a giao diém cua d va A'B.
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B.CACVIDY

VD 52. Cho duodng thing d:2x+y—4=0 va A(4:1), B(1;,-6), C(7;0).

@ Tim diém M e d théa MA+ MB nhé nhét.
@ Tim diém M € d théa MA+ MC nhd nhét.

VD 53. Cho A(3;4), B(-2;1), E(1;0), F(0;3). Tim diém M thing hang v6i 2 diém E, F sao cho
|MA — MB| 16n nhat. Tinh gid tri 16n nhat do.

C.BAITAP TU LUYEN

Bai 74. Cho duodng thing A:x—y+2=0 va cdc diém 0(0;0), A(2;0), B(-2;2).
@ Chung minh duong thing A cic doan thing AB .
2 Chang minh hai diém O, A nam khéc phia d6i v6i dudng thing A.
@ Tim 0" dbi xtmg véi O qua A
@ Trén A, timdiém M sao cho do dai duong gap khiic OMA ngén nhét.
Bai75. Cho hai diém A(3;3) va B(0;2). Tim diém M thudc d:x+y—4=0 nhin doan AB dudi mot
gbc: a) 90° b) 45°.
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Dang 15. Tim GTNN ciia ham sé

an an an

DA

A. PHUONG PHAP GIAI

Ditng phuong phap toa dé dé tim:

e Gid tri 16n nht ciia biéu thirc: T, =

\/al)c2 +bx+c, —\/az)c2 +b,x+c,

e Gid tri nho nhét ctia biéu thirc: 7, = \/al)c2 +bx+c, + \/az)c2 +b,x+c,

Str dung dang 12 bang cach chon céc diém A, B, M thich hop.

B.CACVIDY

VD 54. Cho ham s6 y=+/5x—6x+2 +~/5x —14x+17 . Tim x d& ham sb dat gid tri nho nhit. Tim

gid tri nho nhét do.

VD 55. Cho ham sé y=|13x2 —26x+26 —13x> =10x+13|. Tim x dé ham sb dat gid tri 16n nhét.

Tim gi4 tri 16n nhét d6.

C.BAITAP TU LUYEN

Bai 76. Tim GTNN clia y=~/5x> —14x+10 ++/5x> —14x+17

Bai77. Tim GTNN clia y=~/29x> —56x +37 +/29x% + 2x+10

Bai78. Tim GTLN ciia y= Mox2 —14x+5-~/10x* —24x+ 25‘

Bai79. Tim GTLN ciia y= ‘mez —102+2~135 <10x+13]
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Dang 16.Phutong trinh dieng thang cé tham sé

an an an

DA

A. PHUONG PHAP GIAI

Dang 1. Tim diém s6 dinh ciia ho dutng thang:
e Buéce 1: Goi M (x,;,) 1adiém cb dinh cua ho dudng d,, di qua:
Ta c6: ax, +by,+c=0, (¥) Vm

e Budrc 2: Bién ddi () vé mot trong 2 dang sau (m la an sd):
Am+B=0 (1) hoic Am’>+Bm+C=0 (2)

e Bwéc 2: Toadd diém cd dinh:

, x s A=0

v/ Neéu (*) dugc bien do6i vé dang (1) thi toa do thoa: {
A=0
v Néu (*) duoc bién doi vé dang (2) thi toa do thoa: < B=0
C=0

Dang 2. Bai lodn khodng cdch lén nhal tir diém 1 dén ho dwing thing d:
Cho dudng thing d va diém A . Tim m dé khoang céch tir A dén d 16n nhét.

e Buécl: Tim diém cd dinh ma d, di qua. Gia sir 1a diém N . 4
e BuGc2: V& AH Ld tai H N
= d(A,d)=AH va AAHN vudng tai H 4 H—x

Tacdé: AH<AN = AH__ =AN khi N=H ,3'
Khi d6 d 1a duong thiang vudng géc véi AN = VTPT d: ji ciing phuong véi AN .
Tir diéu kién 2 vécto ciing phuong, suy ra m .

Dang 3. Bdi lodn khodng cdch lén nhat gidta d va d (df|d):

e Buécl: Timdiémc) dinhcia d va d’. Giasiladiém M va N.

e Buwéc2:VE MH 1d’ tai H

= MH 1a khoang céch gifta d va d’

Xét AMNH vudng tai H ,tacé: MH < MN

=MH__=MN khi N=H.

Khidé MN 1L d va MN 1. d’.

Vay khoéang céch 1én nhat gitta d va d’1a MN .
Dang 4. Chithg minh ho dutng thang d luén tiép xiic véi mét dubng tron cé dinh. Tim tdm va
bdn kinh ciia duting tron do.

e Goi I(x,;,) va R lan lugt 1a tAim va bdn kinh ciia dudng tron c¢6 dinh ma d tiép xic

voi moi m .

e Tacé: d(I,d)=R, Vm.

e Bién d6i dua vé phuong trinh bac nhét hodc bac hai ¢6 vo sd nghiém m, tir d6 suy ra x,,
Y, va R.

330 GV. Tran QuocNghia



TAI LIEU HOC TAP TOAN 10 CHUCNG 3: PHUONG PHAP TOA BO TRONG MAT PHANG

B.CACVIDY

VD 56. Tim céc diém cb dinh ma ho dudng d, : x+my—2m =0 ludn di qua.

VD 57.  Tim m d¢ khoang cdch tir diém N (2;5) dén d:x+my—2m=0 16n nhét.

VD 58. Cho d:mx+(m—1)y+5m=0 vi d’:mx+(m—1)y+2=0. Tinh khoang cdch 16n nhat giita
dvad .
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VD 59.

Ching minh rang khi m thay ddi, dudng thing sau day ludn tiép xdc voi mot dudng tron cb

dinh: A:(1—m’)x+2my+m’ —4m+3=0

C.BAITAP TU LUYEN

Bai 80.

Bai 81.

Bai 82.

Ching minh rang khi m thay d6i, cdc duong thing sau luén di qua mot diém cb dinh. Hiy xéc

dinh toa d6 cta diém cd dinh do6.

® (m-2)x-y+3=0 @ mx-y+(2m+1)=0
® mx-y-2m-1=0 @ (m+2)x—y+1-2m=0

Cho phuong trinh: mx+(m—-2)y-m=0(1).

@ Chang minh: v6i moi m thi phuong trinh (1) Ia phuong trinh cia mot duong thing goi la

ho duong 4, .

@ Tim diém cb dinh ma ho d, luon di qua.

Cho dudng thing d:2x—3my+4+6m=0. Tim m dé khoang céch tir gdc O dén d 16n nhat.
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Bai 83.

Bai 84.

Bai 85.

Bai 86.

Bai 87.

Bai 88.

Bai 89.

Bai 90.

Bai 91.

Bai 92.

Bai 93.

Cho AABC véi A(0;-1), B(2;-3), C(2;0).

@ Viét phuong trinh céc duong trung tuyén, phuwong trinh cdc duong cao, phwong trinh céc
duong trung truc cia AABC.

2 Chung minh cdc dudng trung tuyén dong qui, cic dudng cao ddng qui, cic dudng trung truc
ddng qui.

Trong mit phing toa dd Oxy, cho tam gidc ABC c6 A(-2;5), B(4;,-1), C(0; 3).

@ Viét phuong trinh tong quat duong cao BH ctia tam gidc ABC .

@ Lap phuong trinh tham s§ duong trung tuyén AM cua tam gidc ABC .

® Goi D 1a diém sao cho ABCD 1a hinh binh hanh. Tim phuong trinh chinh tic dudng thing
AD.

Trong mit phing toa dd Oxy, cho tam gidc ABC biét A(l;-1), B(-3;2), C(1;4). Lap

phuong trinh tong quat ciia dudng thing d di qua trung diém M cua canh va vudng géc véi

duong thing AB.

Trong mit phang toa d6 Oxy, cho tam gidc ABC biét A(4;3), B(2,7), C(-3;8). Viét

phuong trinh tham s6 ciia duong thang A qua trong tim G cia tam gidgc ABC va song song

voi duong cao CC' cua tam gidc ABC .

Trong mit phing toa d6 Oxy, cho tam gidc ABC c6 A(-2;5), B(4;,-3), C(0;1). Tim

phuong trinh cdc dudng trung binh cia tam gidc ABC .

Trong mit phing toa dd Oxy, cho tam gidc ABC biét M (2;1), N(5;3), P(3;—-4) 1an luot

1a trung diém ctia 3 canh AB, BC, CA . Lap phuong trinh céc canh cua tam gidc ABC .

Trong mit phing toa dd Oxy, cho tam gidc ABC biét A(1;0), B(1;3), C(5;0). Viét phuong

trinh dudng phan gidc ngoai cia géc A cua tam gidc ABC .

Trong mit phang toa do Oxy, viét phuong trinh dudng thang d di qua diém M (2;3) va cit

tia Ox, Oy lanluot tai A vd B sao cho OA=20B.

Trong mat phéng toa do Oxy, cho tam gidc ABC c6 phuong trinh canh AB la 4x+y—-12=0,
duong cao ké tr A va B lan luot c6 phuong trinh 2x+2y-9=0 va 5x—4y—-15=0. Tim
phuong trinh hai canh con lai cua tam giac ABC .

Trong mit phing toa dd Oxy, cho tam gidc ABC c6 dinh A(3; —4) va duong cao ké tr B va
C 1an luot ¢6 phuong trinh 7x—2y—1=0 va 2x—7y—6=0. Lap phuong trinh ba canh cua
tam gidc ABC .

Trong mit phiang toa dd Oxy, cho tam gidc ABC c6 phuong trinh dudng thing BC la
x—3y+11=0, duong cao ké tir B va C lan lugt c6 phuong trinh 3x+7y—15=0 va
3x—5y+13=0. Viét phuong trinh duong cao AA’.
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Bai 94.

Bai 95.

Bai 96.

Bai 97.

Bai 98.

Bai 99.

Bai 100.

Bai 101.

Bai 102.

Bai 103.

Bai 104.

Bai 105.

Trong mit phang toa do Oxy, cho tam gidc ABC c6 dinh B(4; —1), dudng cao va dudng
trung tuyén ciing ké tir A c¢6 phuong trinh lan Iugt 1a 2x—3y+12=0 va 2x+3y=0. Lap
phuong trinh duong thing AB.

Trong mit phing toa dd Oxy, tim phuong trinh cdc canh cua tam gidc ABC biét dinh A(L; 2)
va hai duong trung tuyén c6 phuong trinh 2x—y+1=0 va x+3y—3=0.

Trong mit phang toa do Oxy, xét tam gidc ABC c6 phuong trinh duong thing AB la
x—2y+7=0, cic duong trung tuyén ké tir A va B lan luot c6 phuong trinh 1a x+y—5=0
va 2x+y—11=0. Viét phuong trinh dudng thing AC va BC .

Trong mit phing toa dd Oxy, cho tam gidc ABC c6 dudng thang AC di qua diém M (0; —1),
dudng phan gidc cua géc A va dudng cao vé tir C ¢6 phuong trinh 1dn Iuot 13 x—y=0 va
2x+y+3=0. Tim toa d6 céc dinh cua tam gidc ABC, biét AB=2AM .

Trong mit phang toa @ Oxy, cho tam gidc ABC c6 dinh C(4; 3), dudng phan gidc trong va
duong trung tuyén v& tir A ¢6 phuong trinh 1an luot 1a x+2y—5=0 va 4x+13y—-10=0. Lap
phuong trinh cdc canh cua tam gidc ABC.

Trong mit phang toa dd Oxy, cho tam gidc ABC biét hai canh AB va BC c6 phuong trinh
lan lwot 1a 4x+3y—4=0 vd x—y—1=0, duong phin gidc trong ciia géc A c6é phuong trinh
x+2y—6=0. Tim tga do cic dinh cua tam gidc ABC.

Trong mit phang toa 46 Oxy, cho tam gidc ABC c6 diém M (1; 4) 1a trung diém AB. Duong
phan gidc trong ciia géc B va duong cao qua C ¢6 phuong trinh Ian Iugt 1a x—2y+2=0 va
3x+4y—15=0. Tim toa d9 cac dinh ctua tam gidc ABC .

Trong mit phang toa do Oxy, cho tam gidc ABC biét dinh A(2; 1), dudng trung tryc clia doan
BC va dudng trung tuyén ké tir C ¢6 phuong trinh Ian Iuot 1 x+y—3=0 va 2x—y—1=0.
Tim toa d§ cac dinh con lai cua tam gidc ABC'.

Trong mit phang toa d Oxy, cho tam gidc ABC biét dinh A(5;2), dwong trung truc ciia
doan BC va duong trung tuyén ké tr C c6 phuong trinh lan lugt [a x+y—6=0 va

2x—y+3=0. Tim toa d6 céc dinh con lai ciia tam gidc ABC .

Trong mjt phing toa d Oxy, cho 2 diém A(3;-1), B(-1;1) va dudng thang
d:x—2y+5=0.Timtoadd diém M trén duong thing d sao cho tam gidc ABM cintai M .

Trong mjt phang toa do Oxy, cho 2 diém A(-1;3), B(4;4) va dudong thing
d:3x—2y-1=0. Tim toa d6 diém M trén duong thing d sao cho tam gidc ABM can tai
M .

. . . =2+2t
Trong mdt phang toa dd Oxy, cho diém A(0;1) va duong thang d: {x 3 . Tim toa do
y=5+t

diém M trén duong thing d sao cho M céch diém A mot khoang bang 5.
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Bai 106.

Bai 107.

Bai 108.

Bai 109.

Bai 110.

Bai 111.

Bai 112.

Bai 113.

Bai 114.

Bai 115.

Bai 116.

Bai 117.

, . . x=-2+3t
Trong mat phang toa do Oxy, cho diém M (2; —1) va dudng thang d :{ s . Tim toa
y=J+t
d6 diém A trén duong thing d sao cho do dai AM Ia ngdn nhit.
Trong mit phang toa do Oxy, cho diém M (-2;1) va dudng thing A c6 phuong trinh

y =2x—1. Tinh khoang cach tir diém M dén dudng thing A.

Trong mit phing toa dd Oxy, cho diém A(2;-3) va duong thing d c6 phuong trinh

{x:1+4t

. Tinh khoang céch tir diém A dén duong thing d .
y=2-3t

Trong mit phing toa do Oxy, cho dudng tron (C) c6 tam 7(3; —2) va dudng thang A c6
x=2+

t . 5 .
[ Tinh ban kinh dudng tron (C), biét dudng thang A tiép xiic véi (C).
y =

phuong trinh {
Trong mit phing toa dd Oxy, tinh khoang cdch gita hai dudng thing song song
A 2x—y+3=0va A, :2x—y+8=0.

Trong mit phing toa do Oxy, tinh khoang céch tir diém M (3; —2) dén duong thang d c6
phuong trinh:

3 x=3+42¢ x=—4
a.d:y=—x-2 b. d: c.d:

Trong mit phang toa @ Oxy, tinh ban kinh dudng tron (C) tam 1 (-2; —3), biét (C) tiép xiic

\(UH
\ 2 \ 2 x=-2+t
a. truc Ox b. truc Oy c. duong thang d d. duong thang A: A_os”
y=35-

< 2 R P , P . . . 2 x=2-3t

Trong mit phang toa do Oxy, tinh khoang céch gifta hai duong thiang A, : 14 va
y=1+at
{x =—1+3t
A, .
y=5-4¢

Trong mit phing toa d6 Oxy, cho hai duong thing song song A :+By+C, =0 va
_ |C1_C2|
VA’ +B’

Trong mit phing toa dd Oxy, cho duong thing A:3x+4y—1=0. Tim toa d6 diém M trén

A, :+By+C, =0.Ching minh d (A, A,)

truc Ox sao cho khoang céch tir M dén duong thing A bang 2.

Trong mit phang toa dd Oxy, cho hai dudng thing A:2x+y—1=0 va d:x+y—-3=0. Tim
toa do diém M trén dudng thing A sao cho khoang céch tir M dén dudng thing d bang V2.
Trong mit phiang toa d Oxy, cho 2 diém A(L; 1), B(4;—3). Tim toa d diém M nam trén
duong thing d :x—2y—1=0 sao cho khoang cich tir M dén duong thing AB 11 6.
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Bai 118.

Bai 119.

Bai 120.

Bai 121.

Trong mit phang toa dd Oxy, cho 3 duong thing A :6x—-2y—-1=0, A,:x+3y—-1=0 va
d:2x—y=0.Timtoa dd diém M trén dudng thing d sao cho khoang céch tir M dén dudng
thing A bang 2 lan khoang cich tir M dén duong thing A,.

Trong mit phang toa dd Oxy, cho hinh chit nhat ABCD c6 phuong trinh dudng thing AB va
BD lan luot 1a x—2y—1=0 va x—7y+14=0. Tim toa d§ ciac dinh cua hinh chit nhat
ABCD, biét duong thang AC di qua diém M (2;1).

Trong mit phang toa d Oxy, cho hinh thoi ABCD c6 cic dinh B va D lan luot thudc cic
duong thing d:x+y-8=0 va d,:x—2y+3=0. Duong thing AC c6 phuong trinh
x+7y—31=0. Tim toa do cdc dinh cia hinh thoi ABCD, biét dién tich ABCD bang 75 va
diém A c6 hoanh d¢ am.

Viét phuong trinh ciia dudng thang qua M va cling véi hai truc toa do tao thanh tam gidc c6
dién tich S, voi:

@ M(-410), S=2 @ M(21),S=4 @ M(-3;-2),5=3 @ M(1;-1), S=4

Bai 122. Viét phuong trinh duong thiang d qua M (3; 1) sao cho d cit Ox tai A,cit Oy tai B thoa man:
@ Tam gidc OAB can.
@ Dién tich tam gidgc OAB bang 8 don vi, biét A thudc phan duong ciia truc Ox va B thudc
phan duong ciia truc Oy .
® Dién tich tam gidc OAB nho nhét, biét A thudc phan dwong truc Ox va B thudc phin
duong truc Oy .
) ~+—— dat gid tri nh6 nhat.
OA~ OB
Bai 123. Viét phuong trinh dudng thing d qua A va cich B mot doan bang d .
@ A(2;2), B(3;5),d=2 @ A(-13), B(42),d=5
@ A(51), B(2;-3),d=5 @ A(3;0), B(0;4), d=4
Bai 124. Viét phuong trinh duong thing d cich diém A mot khoang bang h va céch diém B mot
khoang bang k, voi:
@© A(L;1), B(2;3), h=2, k=4 @ A(25), B(-1;2), h=1, k=3
Bai 125. Cho AABC biét phuong trinh canh AB:4x+y—12=0, phuong trinh dudng cao
BH :5x—-4y—15=0, duong cao AH :2x+2y—9=0. Hay viét phuong trinh hai canh con lai
va duong cao thu ba.
Bai 126. Cho AABC, biét A(1;3) va hai trung tuyén xuét phit tir B va C lan lugt la c6 phuong trinh:
x=2y+1=0va y—-1=0.
@ Tim toa do trong tAim G cua AABC.
@ Tim toa do trung diém P cta canh BC.
® Viét phuong trinh ctia dudng thing chira céc canh ciia AABC .
Bai 127. Tim diém c6 tung do bang 2 trén dudng thang di qua A(0;4) va B(3;-2).
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Bai 128.

Bai 129.

Bai 130.

Bai 131.

Bai 132.

Bai 133.

Bai 134.

Bai 135.

Bai 136.

Bai 137.

Bai 138.

Bai 139.

Trong mit phing toa dd Oxy cho AABC . Biét BC c6 trung diém M (0;5), hai canh con lai ¢6

phuong trinh 1a 2x+y—-12=0 va x+4y-6=0.

@ Xéc dinh toa do dinh A .

@ Goi C la dinh ndm trén dudng thing x+4y—6=0. Piém N 1a trung diém cia AC . Xéc
dinh toa d6 diém N, roi tinh cac toa do dinh C va B cua AABC.

Cho AABC c6 dinh A(2;2). Viét phuong trinh cdc canh ctia tam gidc, biét rang phuong trinh
cdc duong cao ké tr B va C lan lwot 1a: 9x—3y-4=0 v x+y-2=0.

Cho AABC, biét A(-1;2), B(2;0), C(-3;1).

@ Xdc dinh tAm duong tron ngoai tiép AABC .

2 . 1
@ Tim diém M trén duong thang BC sao cho S, = 3 S

DABC *

Cho hai diém A(3;1) va B(-1;2) va dudng thing d:x-2y+1=0.
@ Tim toa do diém C trén dudng thang d sao cho AABC cin tai A.
@ Tim toa do diém C trén dudng thiang d sao cho AABC vudng tai C.

Viét phuong trinh dudng thang di qua P(2;-1) sao cho dudng thing d6 ciing véi hai dudng
thang d :2x—y+5=0 va d,:3x+6y—-1=0 tao ra mdt tam gidc can c6 dinh la giao diém cua
hai duong thing d, va d, .

1 ,
Tim céc dinh cua hinh chr nhat ABCD c6 tam [ (5, Oj, phuong trinh dudng thang
AB:x—2y+2=0 vacanh AB=2AD. Biét rang dinh A c¢6 hoanh d6 am.
Cho hinh vudong ABCD c6 tdm I(4;-1) va phuong trinh canh AB 1a x+2y-1=0. Lap
phuong trinh hai dudng chéo cia hinh vuéng.  BS: 3x+y-11=0; x-3y-7=0
Cho dudng thang d :mx+y-m—4=0 vadiém A(2;0). Tim m d¢ khoang cdch tir A dén d
16n nhét.
Cho AABC cantai A c6 phuong trinh hai canh BC:2x-3y—-5=0; AB:x+y+1=0 va canh
AC qua M (1;1). Lap phuong trinh canh AC .
Lap phuong trinh bbn canh cta hinh vudng ABCD biét A(-4;5) va mdt duong chéo la:
Tx—y+8=0.
Lap phuong trinh cdc canh cua tam gidc déu ABC biét A(L;1), dinh B thugc dudng thang
y =3 va C thudc truc hoanh.
Cho d,:(3+a)x-5y+4=0; d,:5x—(4+b)y-5=0.
@ Tim a, b & d, trung d, .
@ Khi d, // d,, tinh khoang céch gitra d, va d,.

@ Tim a, b d d, cit d,, tinh cos @, véi @ la géc gitta d, va d, .
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Bai 140. Tim khoang cich 16n nhét giita d va d’:
D d:2x+my-m-4=0vad :2x+my-m+2=0
@ d:mx+y-m-4=0vad :mx+y-2m+2=0
Bai 141. Chimg minh rang dudng thing d:(m” —1)x+2my+3(m’+1)=0 (m 1a tham s6), ludn tiép
xdc véi dudng tron tim O (0;0) khi m hay doi.
Bai 142. Cho hai dudng thing d, :mx—y+3=0 va d, :x+my—-5=0.
@ Tim cic diém cb dinh ctia d, va d, .
@ Chirng minh hai dudng thing ludn vudng géc voi nhau. Suy ra quy tich cdc giao diém.
Bai 143. Trong mit phang toa dd Oxy cho hai duong thang A:x+3y—-9=0 va A":3x—2y-5=0
@ Tim toa do giao diém A ciia A va A’.
@ Viét phuong trinh dudng thang di qua A va B(2;4)
® Goi C la giao diém ctia A véi tryc tung. Chirng minh ring: AABC vudng cAn.
@ Viét phuong trinh dudng thiang qua A va tao v6i truc Ox mot géc 60°.
Bai 144. Cho hinh vudng ABCD c6 tam I (4;-1) va phuong trinh mt canh 1a 3x— y+5=0.
@ Viét phuong trinh hai dudng chéo ciia hinh vudng.
@ Tim toa do bdn dinh cta hinh vudng.
Bai 145. Cho hinh binh hanh ABCD, biét hai canh c6 phuong trinh x-3y=0, 2x+5y+6=0, dinh
C (4;-1) .Viét phuong trinh hai canh con lai.
Bai 146. Tim tap hop diém:
@ Tim tap hop céc diém céch duong thing A:—2x+5y—1=0 mot khoang bang 3.
@ Tim tap hop cdc diém céch déu hai duong thang d:5x+3y-3=0 va A:5x+3y+7=0.
® Tim tap hop cdc diém cdch déu hai dudng thing d:4x—3y+2=0 va A:y—-3=0.
@ Tim tap hop céc diém c6 ti s6 cdc khoang cdch dén hai dudong thing sao bang % ,
d:5x-12y+4=0 va A:4x-3y-10=0.
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2. DWGIIG 'I'ROII

1. Phubng trinh dwong tron:
Dang 1: (C):(x—a)2+(y—b)2=
Tam I (a;b), bankinh R.

Dang 2: (C):x*+y* —2ax—2by+c=0

Diéu kién: @’ +b* —c>0.Tam I (a;b), Bankinh R=+/a’ +b* —c

2. Vi tri twong dbi:
a. Gilra diém M va dudng tron (C) tam |, ban kinh R.

Vi tri Piéu kién S6 tiép tuyén qua M
M nam trong (C) IM <R 0
M namtrén (C) IM =R 1
M nam ngoai (C) IM >R 2
b. Gitra duong thang (A) va dudng tron (C) tam |, ban kinh R. .
Vi tri Diéu kién So diém chung
A khong ciat (C) d(I,A)>R 0
A tiép xdc (C) d(I,A)=R 1
A cit (C) tai 2 diém d(I,A)<R 2
c. Gitra (Cy) tdm I, ban kinh R, va (C,) tam I, ban kinh R; (Rp>Ro). bat 1,1, =d .
Vi tri Piéu kién So diém chung | So t.t chung
(C,) va (C,) dong tam d=0 0 0
(C,) dung (C,) d<R -R, 0 0
(C,) va (C,) tiép xidc trong d=R -R, 1 1
(C,) cit (C,) tai 2 diém R —R,<d<R +R, 2 2
(C,) va (C,) tiép xdc ngoai d=R +R, 1 3
(C,) va (C,) & ngoai nhau d>R +R, 0 4
3. Tiép tuyén:

a. Phuong trinh ti€p tuyén tai mot diém trén dudng tron:
Cho M, (x,;y,)€ (C). Phuong trinh tiép tuyén d cua (C) tai M c6 dang:
A:(xo _a)(x_x<))+()’<) _b)(y_)’o) =0
A A4,
M

0
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b. Phuang trinh tiép tuyén vai dudng tron qgua mot di€ém M(xw; ym) & ngoai dudng tron:
@ Viét phuong trinh dudng thang qua M (x,,;,,) vacé VTPT 7 = (A; B).
@ Dung diéu kién tiép xic dé tim A, B.

& Ngoai ra ta ¢6 thé ding phuong trinh dudng thang qua M (x,,;y,, ) v6ihé sb géc k:

Y= Yu :k('x—xM)
w. Chii y: C6 2 tiép tuyén trong truong hop nay.

c. Phuong trinh tiép tuyén vai dudng tron biét phuong (song song, vudng géc) ctia ti€p tuyén:

Phuong trinh tiép tuyén A: Ax+By+C =0

= Dung diéu kién phuong cua tiép tuyén (song song hay vudng géc vi mot duong thing
khac) dé tim A, B. ‘
< Dung di€u kién tiép xudc dé tim C.

d. Phuong trinh ti€p tuyén chung ctia hai dudng tron:

& Trudc tién xét vi tri trong ddi clia hai dudng tron xem c¢6 bao nhiéu tiép tuyén chung.
@ Cho (C,) tam I, ban kinh R, va (C,) tam I,, bankinh R, va A: Ax+By+C=0.

d(l,.A)=R
d(I,,A)=R,

A 1a tiép tuyén chung ctia (C,) va (C,) <:>{

4. Chu vi dudng tron. Dién tich hinh tron:
v" Chu vi duong tron: .
v Dién tich hinh tron:

Dang 1. Phuong trinh ducng tron (C)

an an an

AN

A. PHUONG PHAP GIAI

@ Bdi toan I: Xac dinh tdm va ban kinh cia dutng tron:

» Néu (C) 6 dang: |(x—a)’+(y—b)’ =R?| thi (C) c6tdm I(a;b) va bén kinh R.

> Néu (C) c6 dang: ¥ +y*=2ax-2by+c=0| v6i a, b, ¢ thoa a* +b* —c>0 thi

(C) c6tam I(a;b) vabankinh R=+a’+b" —c.

® Bai todn 2: Diéu kién dé (C,) la dubng tron - tim qug tink tim:
> Budc 1. Xdc dinh a, b, ¢. Tinh @’ +b* —c.
> Buéc 2. Dé (C,) la phuong trinh dudng tron thi @® +b° —c >0 (*)
x, = f(m)
v =g(m)
> Budc 4: Tir hé trén, khir tham s6 m ta duge biéu thic lién hé gitta x,, y,: F(x,;;y,)=0.
Khi d6 tim / nam trén dudng c6 phuong trinh F (x;y)=0 (T).

» Budc 3: Xac dinh tam [ :{

> Budc 5: Tim gi6i han cua diém I dya vao diéu kién (*).
> Budc 6: Két luan.
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B. VI DU MAU
VD1 Xéc dinh tam va ban kinh cua cic dudng tron sau:
@ x*+y" —2x-2y-2=0 @ 16x* +16y” +16x—-8y—11=0
® x’+y —4x+6y-3=0 @ x*+y —4x—6y—-3=0
® (x+2)"+(y-5)" =16 ® (x—m)’ +(y+2m) =25
@ 2x°+2y’ —5x—4y+1-m’ =0 ® (x—1)"+(y+2)' =

VD2 Cho (C,):x*+y*=2(m+1)x+2(m-2)y+m*+8=0
@ Tim m dé (C,,) 1a phuong trinh dudng tron.

® Tim quy tich tam 1 .
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C.BAITAP TU LUYEN

Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 5.

Bai 6.

Bai 7.

Bai 8.

Xéc dinh tam va ban kinh cua cdc dudng tron sau:

® 2(x-3)" +2(y+1)" =9 @ (x+2)' +(y-5)" =16
® x*+y" —6x+8y+30=0 @ x*+y —4x—-6y+2=0
® 7x*+9y* —4x+6y-1=0 ® 7x*+7y° —4x+6y—1=0
Cho (C,):x*+y* —2(sina)x+2(cos@—2)y-3=0, & la tham sé.

@ Chirng minh rang (C,) la phuong trinh dudng tron véi moi gid tri & .

® Tim quy tich tam 1 .

Cho (C

m

): x> +y* =2(m+1)x+2(m=2)y+m* =0, m la tham sd.

@D CMR (C,,) ludn 1a phuong trinh dudng tron. Tim m dé R nho nht.

@ Tim m dé (C,,) c6 dién tich bang 57.

® Tim mdé (C,) c6 do dai bang 2/57.

Cho (C,). Tim m dé (C,) la phuong trinh dudng tron, tim quy tich tim I .
@ (C,):x*+y* —dmx—-2y+4m=0

@ (C,):x*+y* +mx—2(m+1)y+1=0

Cho (C

m

):x*+y* —2mx—2(m-1)y+4m=0

@ Véi gid tri nao ciia m dé (C,,) la phuong trinh dudng tron.

@ Ching minh ring céc duong tron (C,, ) ludn di qua hai diém b dinh.

Cho (C,): x> +y*+(m+2)x—(m+4)y+m+1=0

@ Chirng minh ring (C,, ) la phuong trinh dudng tron véi moi m1 .

@ Ching minh rang khi m thay d6i, ho cdc dudng tron (C,,) ludn di qua hai diém c6 dinh.

® Tim nhitng diém trong mit phang toa d6 ma ho dudng tron (C,) khong di qua du m liy bét
ki gid tri nao.

Cho AABC véi cic duong thing chira cic canh AB:2x-3y+7=0; BC:2x—y+1=0;

CA:x—y+3=0. Timtap hop diém M thoa man: MA® + MB> + MC* = 4.

Cho hai diém A(L;1), B(9;7).

@ Tim quy tich cic diém M sao cho MA* + MB* =90

® Tim quy tich cic diém M sao cho 2MA* —3MB* =k* (ke R)
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Dang 2. Gp phuvng trinh duwing tron (C)

DDA
A. PHUONG PHAP GIAI

@ Loai 1. (C) c6 tam I(a; b) va di qua diém A:

> Bdn kinh: R:IA:\/()cA—x,)2+(yA—y,)2
> Viét (C):(x—a) +(y-b) =R.

@ Loai 2.(C) c6 tam I(a; b) va tiép xuic véi dudng thang A:
> Bankinh: R=d (I;A)

> Viét (C):(x—a) +(y-b) =R.
A4

® Loai 3. (C) c6 dudng kinh AB:
> Tam I la trung diém AB.
'xA + 'xB . — yA + yB

= Toadd I: x, = 5 Y, 5

> Ban kinh R:A—zB.

@ Loai 4. (O) di qua hai diém A, B va c6 tdm nam trén

.
@
A
A@
dudng thang A: A4
» Viét phuong trinh trung truc d ctua doan AB.
NQV/
B

> Tam I cia (C) la giao diém cia d véi A.

> Bankinh R=1A.

® Loai 5. (C) di qua hai diém A, B va tiép xtic véi dudng thang A:
> Viét phuong trinh trung truc d cua doan AB .

led d

> Tam I cia (C) thoa diéu kién
d(;A)=IA

> Bankinh R=1A.

® Loai 6. (C) di qua diém A va tiép xutc v6i dudng thing A tai B:

R
B
A
d
B
A
A
1
B
A
> Viét phuong trinh trung truc d cua doan AB . /
> Viét phuong trinh A" qua B va vudng géc vai A. 4
> Tam I cia (C) 1a giao diém cua d véi A, d
> Bankinh R=IA. A

@ Loai 7a. (C) di qua diém A va ti€p xuic vdi hai dudng thang 4,
Ay, A cét nhau:

d{ ;A )=d|I;A R
> Tam I cia (C) thoa (1:,)=d(1:4,)
d(I;A,)=1A

> Bankinh R=IA. 4
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Loai 7b. (C) di qua diém A va ti€p xuc véi hai dudng
thang A, Az (Ai// A): 4,

d(I:A,)=d(I:A,) 1L

» Tam [ cua (C) thoa

R:Ed(Al,Az):IA 4

Loai 8. (C) tiép xtic véi hai dudng thang As, A2 va cé tam thudc d:
AI

led
» Tam [ cua (C) thoa d(I'A )—d(I'A )
s ) — =2
> Bankinh R=d(I,A,). * d

® Loai 9. (C) di qua ba diém A, B, C (dudng trén ngoai ti€p tam giac):

¢ Truong hop 1: AABC vuong (gia si vuong tai A):
> Goi I latrung diém BC = I latamcua C. B C
BC

> Ban kinh R :T

< Trudng hop 2: AABC déu:

> Goi I 1atam dudng tron ngoai tiép

A
= [ latrong tam cua AABC. A
C

> Bankinh R :§AM (v6i M 1a trung diém BC )
¢ Trwong hop 3: AABC thuwong: B

e Cich 1: Ding phuong trinh tong quat:
» Phuong trinh (C): x* +y* —2ax—2by+c=0, a*+b*—c>0

> Lan luot thay toa do cia A, B, C vao ta dugc hé¢ phuong trinh véi 3 dna, b,

c .

> Giai hé trén ta tim duoc a, b, ¢ = phuong trinh (C).
e Cich 2: Ding toa do diém:
IA=1IB
» Tam [ cua (C) thoa man:
IA=1IC
» Bankinh R=IA=IB=1IC.

Loai 10. (C) ndi ti€p tam gidc ABC:
> Viét phuong trinh hai dudng phan gidc trong cta hai géc
trong cua tam giac ABC .
» X4ac dinh tdm [ la giao diém cua hai dudng phén gidc trén.
> Bankinh R=d(I,AB).

B D C
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B.CACVIDY

VD3. Viét phuong trinh dudng tron (C) trong cic trudng hop sau day:
® (C) c6tam I(-2;3) vadiqua M (2;-3).
C) c6 tam I(~1;2) va tiép xdc v6i dudng thing A:x—2y+7=0
C) c6 dudong kinh AB, véi A(L;1), B(7;5).
diqua A(2;3), B(L;—1) vacé tdm thuoc A:x—-3y—11=0

C) diqua A(L;1), B(L;4) va tiép xidc véi truc Ox .

@ (C)
(C)
(C)
(C)
(C) diqua A(=2;6) vatiép xdc v6i A:3x—4y—15=0tai B(l;-3).

) (C) diqua A(2;1) va tiép xidc véi hai truc toa do.

) (C) qua O(0;0), tiép xtic véi A, :x+y-4=0, A, : x+y+4=0
® (C)

A 3x+2y+3=0, A,:2x-3y+15=0.

c6 tim nam trén duong thang d:x—y=0 va tiép xic v6i hai duong thing

®@a) (C) diquabadiém A(1;-2), B(1;2), C(5;2).
b) (C) diquabadiém A(-2;-1), B(1;-3), C(2;5).

(C) 1a dudng tron nodi tiép tam gidc ABC biét phuong trinh céc canh: AB:3x+4y-6=0,
AC:4x+4y—1=0, BC:y—1=0.
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C.BAITAP TU LUYEN

Bai9.  Viét phuong trinh duong tron ¢6 tdm I va di qua diém A, voi:

@D 1(2;4), A(-L3) @ I1(-3;2), A(L;-1) ® I(-1;0), A(3;-11)

@ I1(12), A(5:2) ® 1(3;5), A(7;2) ® 1=0(0;0), A(4;4)
Bai 10.  Viét phuong trinh duong tron tdm I va tiép xdc véi duong thang A, véi:

@D I1(34), A:dx-3y+15=0 ® 1(2;3), A:5x-12y-7=0

® I1(-32), A=0x @ I(-3;-5), A=0y

® I(-1;2), A:x—2y+7=0 ® I=0(0;0), A:y—2x=0
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Bai 11.  Viét phuong trinh dudng tron dudng kinh AB , voi:
® A(-2;3), B(6;5) @ A(0;1), B(5:1) ® A(-3:4), B(7;2)
@ A(5;2), B(3;6) ® A(L1), B(7;5) ® A(L5), B(-L1)
Bai 12.  Viét phuong trinh duong tron di qua hai diém A, B va c6 tdm nam trén dudng thing A, voi:
@D A(0;4), B(2;6), A:x—2y+5=0 ® A(2;2), B(8;6), A:5x-3y+6=0
® A(-L10), B(;2), A:x—y-1=0 @ A(-L2), B(30), A:7x+y-6=0
® A=0(0,0), B(1;2), A:x—y=0
Bai 13.  Viét phuong trinh dudng tron di qua hai diém A, B va tiép xiic véi dudng thing A, véi:
® A(L,2), B(3;4), A:3x+y-3=0 ®@ A(6;3), B(3;2), A:x—2y—-2=0
® A(-1-2), B(21), A:2x—y+2=0 @ A(2;0), B(4;2), A=0y
Bai 14.  Viét phuong trinh duong tron di qua diém A va tiép xic v6i duong thang A tai diém B, véi:
® A(-2;1), A:3x—-2y—-6=0, B(4;3) ® A(6;-2), A=0x, B(6;0)
® A(4,-3), A:x+2y-3=0, B(3;0)
Bai 15.  Viét phuong trinh duong tron di qua diém A va tiép xic v6i hai duong thang A, va A,, vor:
@D A(2:3), A :3x—-4y+1=0, A, :4x+3y-7=0.
@ A(L3), A:x+2y+2=0, A,:2x—y+9=0.
® A(3;-6), A, =0x, A, =0y.
Bai 16.  Viét phuong trinh dudng tron tiép xdc véi hai duong thing A, va A, va co tam nam trén
duong thang d voi:
@A :x+y+4=0,A,:7x—y+4=0, d:4x+3y-2=0.
@ A, :4x-3y—-16=0, A,:3x+4y+3=0, d:2x—y+3=0.
® A :4x+y-2=0,A,:x+4y+17=0, d:x—y+5=0.
Bai 17.  Viét phuong trinh dudng tron ngoai tiép tam gidc ABC , voi:
® A(2;0), B(0;,-3), C(5;-3) ®@ A(5;3), B(6;2), C(3;-1)
® A(L,2), B(3;1), C(-3;-1) @ A(-1,-7), B(—4;-3), C=0(0;0)
® AB:x—y+2=0, BC:2x+3y—1=0, CA:4x+y-17=0
® AB:x+2y-5=0, BC:2x+y-7=0, CA: x—y+1=0
Bai 18.  Viét phuong trinh dudng tron noi tiép tam gidc ABC, véi:
® A(2:6), B(-3;—-4), C(50) ® A(2;0), B(0;,-3), C(5;-3)
® AB:2x—-3y+21=0, BC:3x—2y—-6=0, CA:2x+3y+9=0
@® AB:7x—y+11=0, BC:x+y—-15=0, CA:7x+17y+65=0
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Dang 3. Vi tri twong déi giita
dutng thang va dubng tron
DD

A. PHUONG PHAP GIAI

Cho dudng thang A va dudng tron (C):

» A:Ax+By+C=0

> (C): ()c—a)2 +(y —b)2 = R* ¢6 tdm I(a;b) va ban kinh R
Dé xét vi tri twong dbi cia d va (C) ta thuc hién theo 1 trong 2 cich sau:
@ So sanh khodng céach tir tam | dén d véi R:

» Xdc dinh toa d6 tam I va ban kinh R cua (C)

> Tinh d(1,A). Néu:

= d(1, A)<R & A cit (C) tai hai diém phan biét.
= d(I,A)=R A tiép xdc v6i (C) (A 1a tiép tuyén cua (C)).
» d(I,A)>R A va (C) khong c6 diém chung.
» d(I,A)<R A va (C) c6 diém chung.
I
4 5
T = T~ 4

® Cén tim toa do giao diém ctia A va (C):
> Toa d¢ giao diém ciia A va (C) (néu c6) 1a nghiém ctia hé:
{Ax +By+C=0
(>I<

(x=a) +(y=b) =

» Giai h¢ trén, néu:

(*) ¢6 2 nghiém A cit (C) tai hai diém phan biét.

(*) v nghiém A va (C) khong c6 diém chung.

(*) ¢6 nghiém & A va (C) c6 diém chung.

= Chd y: Khi A cét (C) tai hai diém A, B thi:

v HI L AB & H latrung diém AB
v/ Diy AB dai nhit khi AB 1a dudng kinh (7 thudc AB)

v/ Diy AB ngan nhat khi IH dai nhat.

g
(*)c6 I nghiém < A tiép xiic véi (C) (A 1a tiép tuyén cta (C)).
=
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B.CACVIDU
VD 4. Tim toa do giao diém M ctlia dudng thang d va dudng tron (C):
=1+2t
@d:{x va  (C):(x=1)"+(y-2)"=16
y=-2+t

@d:x+y-2=0 va  (C):x*+y*—4x+2y-20=0

VDS5. Xét vi tri trong ddi clia dudng thang A véi dudng tron (C) sau day:

A:3x+y+m=0 va (C):x2+y2—4x+2y+1:O
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C.BAITAP TU LUYEN

Bai 19.

Bai 20.

Bai 21.

Bai 22.

Bai 23.

Bai 24.

Bai 25.

Bai 26.

Bai 27.

Tim m d duong thing y=x+m c¢6 diém chung véi dudng tron
(C):x*+y>—4x-2y+3=0.

Ching minh dudng thing A:x+(m—1)y+m=0 khong tiép xidc v6i dudng tron

(C):x*+y>—4x+8y—5=0 véimoi m.

Bién luan theo m sé giao diém clia dudng thang A va dudng tron (C):

®A:mx—y-3m-3=0 va (C):x*+y*—4x-2y=0

@ A:2x—y+m=0 va (C):x*+y*—6x+2y+5=0

@ A:x+y-1=0 va (C):x*+y*=2(2m+1)x—4y+4-m=0
@ A:mx+y-4m=0 va (C):x*+y*—2x—4y-4=0

Cho (C):x*+y*—4x+6y+3=0 vd A:3x—y+m=0. Tim m dé:

@ Pudng thing A tiép xtic v6i dudng tron (C).

@ Dudng thang A cat véi duong tron (C).

® Dudng thang A va dudng tron (C) khdng c6 diém chung.

Cho (C):x*+y>—4x+2y—-m’+2m=0 va d:3x—4y+5=0

@ Vi gid tri ndo cia m thi (C) la phuong trinh dudng tron ?

@ Khi (C) la dudng tron, bién luan theo m sb giao diém cia (C) va d.

@ Tim m dé (C) cit d theo mot ddy c6 d dai bang 4.

Cho (C):x*+y*—2x+4y-20=0

@ Chirng minh rang dudng thang d:4x-3y—6=0 cit (C) tai hai diém phan bi¢t A va B.
Tinh d¢ dai doan AB .

@ Viét phuong trinh dudng tron (C’) qua2 diém A, B va c6 tim nam trén tryc Ox .

Cho duong tron (C):(x—1)"+(y—2)" =4. Viét phuong trinh duong thing d qua N (2;1) va

cit (C) tai hai diém A, B sao cho:

@ Déy cung AB dainhit. @ N la trung diém cia doan AB.  ® DAy cug AB ngan nhat.

Ching minh ring duong thing d:x+my—-m—3=0 Iudon cit duong tron

(C):(x=1)"+(y—2)" =9 tai hai diém A, B. Tim m dé AB ngén nhét.

Cho dudng tron (C):x* +y*> +2x—2y—14=0 vadiém M (2;2).

@ Chirng minh ring diém M nam trong dudng tron (C).

@ Duodng thang d qua M cic (C) tai hai diém A, B sao cho MA =3MB. Tinh khoang céch

tr tam dén 4 .
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TAI LIEU HOC TAP TOAN 10

Dang 4. Vi tri terng déi giika hai dubng tron

Dbk

A. PHUONG PHAP GIAI

1. Phubng phdp I: So-sdnh dé- dai doan néi tam véi cdc ban kinh:

Cho hai duong tron: (C) c6 tam [ va ban kinh R
(C’) c6tam I’ vabankinh " (R>R")

@ (C) va (C’) cat nhau & R-r<I'<R+R
@ (C) va (C’) tiép xtic ngoai & II'=R+R’

® (C) va (C') tiép xtic trong & II'=R-KR

@ (C) va (C’) & ngoai nhau & II'>R+FR

® (C) va (C’) dung nhau & II'<R-FK

® (C) va (C’) dong tam & II'=0

1. Phuvng phap 2: Phuong phdp dai s6:

Cho hai duong tron: (C):x*+y* —2ax—2by+c=0
(C):x*+y*=2a'x=2b"y+c" =0

Toa d9 céc giao diém (néu cd) cia (C) va (C’) 1a nghiém clia hé:

x*+y* =2ax—=2by+c=0
{xz +y>=2a’x=2b"y+¢" =0
> H¢ c6 2 nghiém < (C) va (C’) cét nhau tai hai diém
> Hé c6 1 nghiém < (C) va (C’) tiép xtic nhau tai mot diém
(C

> Hé vo nghiém & (C) va (C’) khong c6 diém chung

B.CACVIDY

VD6.

Xét vi tri twong doi cua hai dudng tron sau:

@ (C):x*+y*—6x+2y—4=0va (C):x*+y>+2x=0

@ (C):x*+y*—2x+2y-34=0 va (C"): x> +y*+2x—2y =0
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VD7.

Tim toa do giao diém cta: (C,):x* +y* +2x+2y+1=0 va (C,): x> +y> =2x+2y-7=0

C.BAITAP TU LUYEN

Bai 28.

Bai 29.

Bai 30.

Bai 31.

Bai 32.

Bai 33.

Bai 34.

Xét vi tri trong ddi ctia hai duong tron sau:
@ (C): X +y +2x+2y+1=0va (C,):x*+y> —2x+2y-7=0

@ (C):

® (C):xX*+y +12x=3=0va (C,):x*+y*—6y+5=0

@ (C,):(x+1)"+(y+2)"=4=0va (C,): x>+ > =36=0

Cho hai dudng ton c6 phuong trinh  (C)):x*+y*+2ax+2by+c=0 va

X +y*—4x+6y-3=0va (C,):x*+y*—4x—6y+5=0

(C,): x> +y*+2a,x+2b,y+c=0. Gia st chiing cit nhau tai hai diém M , N . Viét phuong
trinh duong thang MN .
Chiing minh (C,) va (C,) tiép xdc nhau. Tim toa do tiép diém H . Néu:

@ (C):x*+y —4x+2y-4=0, (C,): x> +y* =10x-6y+30=0
@ (C):x*+y*—4x+6y-3=0, (C,):x*+y> —4x—6y+5=0
Tim m dé (C,) va (C,) tiép xdc nhau, véi:
® (C):(x=2)"+(y-2)" =10, (C,): K> +y* —2x+2y+2m=0
@ (C):(x=1)+y* =4, (C,): x> +y*~10x -8y +23=0
®(C
@ (C

Tim m dé (C,) va (C,) cét nhau tai hai diém phan biét, véi:

X’ +y =1, (C, ):x2+y2—2(m+1)x+4my—520

ok
)
)
) x>+ y? =2mx+4my+5m* —1=0, (CZ):x2+y2—2x+4y+1:O

@ (C):x*+y +6x+8y+m+10=0,(C,): x* +y*—4x—2y+m—-5=0

@ (C):x*+y* —2mx+4my+5m*> —1=0,(C,): x>+ y* =1

Ching minh rang (C,) va (C,) cit nhau tai hai diém phan biét A, B. Viét phuong trinh
duong thing qua hai diém A, B. Tinh d6 dai doan AB . Néu:

@ (C):x*+y*—2x—4y—-4=0, (C,): x> +y* +2x—2y—-14=0

@ (C):x*+y*=4x-9=0, (C,): x> +y*+2y-14=0

® (C):x*+y’=7x=7=0, (C,): x> +y*—x-Ty—-18=0

Cho (C,):(x+2)"+(y-2) =2 va (C,):(x=3)"+(y-2)" =1

@® Ching minh (C,) va (C,) ¢ ngoai nhau.

@ Cho M (1;2). Hay tim diém Ae (C,), Be (C,) sao cho M 1a trung diém ctia doan AB.
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Dang 5. Tiép tuyén véi didng tron

DD
A. PHUONG PHAP GIAI

Cho duong tron (C) c6 tam 7, ban kinh R va duong thang A. y

Diéu kién dé A tiép xtic v6i (C) 1a: |d (I,A) =R M

@ foai 1. Tiép tuyén tai mot diém M, (%,:y,) trén dutng tron:

e Budc 1: Tim tdm /(a;b) cua (C)

e Buéc 2: Tinh IM = (x,—a;y,—b)

e Budc 3: Phuong trinh tiép tuyén tai M c6 vécto phép tuyén IM ¢6 dang:
(% —a)(x=x)+ (3 =b)(y =) =0
@ Toai 2. Tiép tuyén cé phuong cho trubc:

% Cdch 1: Ding khi khdng can tim toa d§ tiép diém:

¢ Buwéc 1: Viét phuong trinh cia A c6 phuong cho trude
e Buéc 2: Dya vao diéu kién tiép xtic |d (I,A)=R| dé tim phan con lai. Tl d6 suy

~ ra phuong trinh cua tiép tuyén A.
= Mot s6 dang thuong gap:
v Alld:Ax+By+C=0 = |A:Ax+By+C=0[,C"#C

vV ALd:Ax+By+C=0 = |A:Bx—Ay+C'=0

v Acéhésbgéc k: |y=kx+m e kx—y+m=0

v’ Tiép tuyén tao voi duong thing d mot gbc «, khi d6 ta linh hoat sir dung mot
trong hai cong thtrc:
ln,.n, | L= = s , N
o cosq=—=2=""2— trong d6 1, ,n, 1a VTPT cia d va A.
Iln,|.1n, |

k,—k . NS N
o tana=|—4L—21, trong d6 k,,k, hésd gbc cia d va A.

d™A
< Cdch 2: Duing khi can tim toa dd tigp diém:
e Buéc 1: Giasa M (x,;y,) latiép diém: M e (C) & x7 + y; —2ax, —2by, +c =0 (1)
Hodc: (x,—a)’ +(y,—b)’ =R’
e Buwdéc 2: Sir dung diéu kién ciia gia thiét dé Iap thém mot phuong trinh theo x,,
Y, » ki hi¢u 1a phuong trinh (3).
e Budc 3: Giai hé tao boi (1) va (2) ta dugc toa do tiép diém M rdi viét nhu dang 1.
® i 3. Tiép tuyén qua mot diem N (%, :y, ) nam ngodi dutng tron:
< Cdch 1: Diing khi khéng can tim toa d8 tiép diém:
e Buwdc 1: Xdc dinh toa d6 tdm (a;b) va tinh ban kinh R cua (C).
e Buéc 2: Viét phuong trinh dudng thing A diqua N va c VTPT ii = (4; B):
A(x=xy)+B(y=yy)=0

354 GV. Tran QuécNghia



TAI LIEU HOC TAP TOAN 10 CHUCNG 3: PHUONG PHAP TOA BO TRONG MAT PHANG

e Budéc 3: Ding diéu kién tiép xic dé thiét 1ap mdi quan hé giita A va B:

A tiép xdc v6i (C) < d(I,A)=R

® Budc 4: Giai phuong trinh trén, tim A, B suy ra phuong trinh A.

w Chia y: Ta c6 thé dung dang duong thang A qua N véi hé so géc k, roi sau do
xét thém truong hop x=1x, .

< Cdch 2: Duing khi can tim toa dd tigp diém:
e Buéc 1: Giasa M (x,;y,) latiép diém: M e (C) & x7 + y; —2ax, —2by, +c =0 (1)
Hoic: (x,—a)’ +(y,—b)’ = R?
e Buéc 2: Viét phuong trinh tiép tuyén A tai M (x,;y,):
(3, —a) (x=x) +(yo=b)(y =) =0
e Buéc3: N(x,;y,)eA néntacd |(x,—a)(x—x,)+(y,—b)(y—y,)=0] (2)
e Budc 4: Giai hé (1) va (2) ta duoc toa do tiép diém. Tir d6 suy ra tiép tuyén A.
® foai 4. Tiép tuyén chung ciia hai dutng trén (C,) va (C,):
e Buwdc 1: Xdc dinh tAm va ban kinh cua (C,) va (C,):
v (C,) c6tam I, va ban kinh R,
v (C,) c6tam I, va bankinh R,
e Buéc2:Gia s phuong trinh tiép tuyén chung ctia hai duong tron c6 dang:
A:Ax+By+C=0| (A>+B> #0)

e Budc 3: Vi A tiép xdc v6i (C,) va (C,) nén

d(1.A)=R,
{d(IZ,A):RZ

e Budc 4: Giai hé trén tim A, B 1di suy ra phuong trinh A

B.CACVIDY

VD 8. Cho duong tron (C):(x—a)’ +(y—b)" = R* vadiém M, (x,;y,)e (C). Ching minh ring tiép

tuyén A cua dudng tron (C) tai M, c6 phuong trinh |(x, —1)(x—a)+(y,—b)(y—b)=R?|.
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VDO.

Viét phuong trinh tiép tuyén A ctia dudng tron (C) trong cdc trudng hop:
® (C):(x=3)"+(y—1)" =5, tip tuyén tai diém M (2;3)

@ (C):x*+y*—2x-8y—8=0, tiép tuyén qua M (—4;—6)
(C):x*+y*=2x—6y+9=0,tiép tuyén A L d:3x—4y+2018=0
(C):x*+y*—2x+4y—4=0,tiép tuyén A//d:3x—y+2018=0

(C)

C):(x-4)"+(y—=5)" =10, tiép tuyén A c6 hé s géc bing 3.
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VD10.

Cho dudng tron (C):x* +y> +8x+4y—5=0 vadiém A(2;1).
@ Chirng to qua diém A vé duoc hai tiép tuyén véi (C).

@ Viét phuong trinh dudng thiang qua hai tiép diém.

VD 1.

Cho dudng tron (C): x* +y* =4 va diém A(-2;3).
@ Chung t6 diém A & ngoai duong tron. Lap phuong trinh 2 tiép tuyén ké tir A .

@ Tinh khoang cach tir A dén hai tiép tuyén va khoang céch giita hai tiép diém T va T”.
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VD12.  Viét phuong trinh tiép tuyén chung ctia hai dudng tron (C,) va (C,):
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Bai 35.

Bai 36.

Bai 37.

Bai 38.

Bai 39.

C.BAITAP TU LUYEN
Viét phuong trinh tiép tuyén ciia duong tron (C) tai diém M € (C), véi:
@ (C):x*+y* =25 va M (3:4)
@ (C):x*+y* =50 va  M(5-5)
@ (C):(x=3)"+(y+4)' =169 va  M(8,-16)
@ (C):x*+y*+4x-9=0 va M (1;2)
® (C):x*+y +4x+4y+3=0 va  M(-3;0)
® (C):x*+y°-2x-8y-8=0 va  M(40)

Cho duong tron (C): x* + y* —4x—2y =0. Viét phuong trinh tiép tuyén ciia (C)
®tai A co6hoanhdo1a 0.

@ tai cdc giao diém cua (C) véi Oy

® tai cdc giao diém cia (C) voi duong thang d:x+y=0.

Viét phuong trinh tiép tuyén ciia dudng tron (C) ké tir mot diém A cho trude:

@ (C):x*+y°—4x+2y+2=0 va A(3;1)
@ (C):x*+y +4x—4y-1=0 va  A(0;-1)
@ (C):xX*+y +2x—4y+4=0 va A(3;5)

@ (C):x*+y°-2x—8y—-8=0 va A(—4;-6)
® (C):x*+y*+2x—8y+13=0 va A(1;1)

® (C):x*+y°—6x—4y+8=0 va A(8;7)

Cho dudng tron (C):x*+y* —8x—6y+17=0.

@ Chung to M (6;5) nam trén (C). Viét phuong trinh tiép tuyén tai M .

@ Chung to N (0;-1) nam ngoai (C). Viét phuong trinh tiép tuyén qua N .
Cho dudng tron (C):(x—2)" +(y-1)"=25.

@ Tim toa do tAm va tinh ban kinh cua duong tron (C).

@ Viét phuong trinh tiép tuyén ciia (C) tai M (5;3).

® Viét phuong trinh cic tiép tuyén ctia (C) song song v6i dudng thang d, :5x—12y+2=0.
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@ Viét phuong trinh cic tiép tuyén ctia (C) vudng gée véi dudng thang d, :3x+4y-7=0.

® Viét phuong trinh cdc tiép tuyén ctia (C) biét tiép tuyén di qua A(3; 6).

Bai 40. Cho dudng tron (C):x*+y* —6x+2y+5=0.
@ Tim toa do tAm va tinh ban kinh cua duong tron (C).
@ Viét phuong trinh cic tiép tuyén cia (C) song song véi dudng thing
d,:4x+2y+2018=0.
® Viét phuong trinh cic tiép tuyén ciia (C) vudng géc voi dudng thang d,:2x—y-7=0.

Bai41. Cho duong tron. Hay viét phuong trinh tiép tuyén véi (C), biét tiép tuyén tao véi dudng thiang

d mot géc o trong cic truong hop sau:

@ (C):(x=1)+(y+1)' =10,  a=45°, d:2x+y-4=0

@ (C):x*+y*+4x-8y+10=0, a@=60°, d:2x-3y+1=0

Bai42. Cho hai duong tron (C,) va (C,).

+ Tim tdm va ban kinh cua (C,) va (C,)

* Xét vi trf twong ddi cua ctia (C,) va (C,)

+ Viét phuong trinh céc tiép tuyén chung cta (C,) va (C,)

@ (C):x*+y" =9 va (C,):x*+y>=2x-3=0.
@ (C):x*+y"-2x-2y-2=0 va (C,):x*+y*—8x—4y+16=0
® (C):x*+y*-10x=0 va (C,):x*+y>+4x-2y-20=0
@ (C):x*+y*—4x-5=0 va (C,):x*+y*—6x+8y+16=0

Bai43. Cho duong tron (C):(x—2)"+(y—4) =4. Viét phuong trinh tiép tuyén cua duong tron biét
rang tiép tuyén d6:

@ tao vai hai truc toa do mot tam gidc vudng cén.
@ tao voi hai truc toa do mot tam gidc c6 dién tich béng 4.

Bai44. Cho dudng tron (C):x>+y’ +2x—4y=0 va dudng thing d:x—y+1=0. Tim toa d diém
M thudc d ma tir d6 c6 thé ké duoc hai duong thang tiép xtc voi duong tron (C) tai A va B
sao cho AMB =60°.

Bai45. Cho duong tron (C):(x—1)"+(y+2)" =9 va dudng thing d:3x—4y+m=0.Tim m dé trén
d c6 duy nhat mot diém P ma tir d6 c¢6 thé ké duoc hai tiép tuyén PA, PB dn duong tron
sao cho APAB déu.
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Bai 46.

Bai 47.

Bai 48.

Trong cac phuong trir,1h dudi day xét xem phuong trinh nao 1a phuong trinh cta duong tron,

tim tdm va ban kinh néu c6:

@ x*+y —2x-4y+9=0 @ x*+y —6x+4y-13=0

® x’+y —4x-2y-3=0 @ x’+y —12x-6y+44=0

Viét phuong trinh tong quét cta dudng tron (C) trong cic trudng hop sau:

@ Tam Ia (-1;2) va tiép xdc v6i dudng thing A:x—-2y+7=0.

@ bi qua ba diém A(1;2), B(5;2), C(L,-5)

® Di qua ba diém A(-2;4), B(5;5) va C(6;-2)

@Diquaba diém A(2;1), B(2;5) va C(-2;1)

® C6 tam 1(2;-5) va tiép xiic véi truc Ox

® C6 tam I(1;3) va tiép xdc véi truc Oy

@ Qua A(9;9) va tiép xtic véi truc Ox tai diém M (6;0)

Tiép xtic v&i Ox tai A(2;0) va khoang céch tir tim dén B(6;4) bang 5

® Qua M (2;1) va tiép xdc véi hai truc toa do

Tiép xuc voi hai truc toa do va cé tam nim trén d :4x—2 y—8=0

@ Qua A(2;3), B(-2;1) vac6 tam nam trén truc hoanh.

® Qua hai diém A(2;0), B(3;1) vabankinh R=5

® Qua hai diém A(-1;1), B(0;2) va c6 tim ndm trén d:2x+3y=0

@ Tiép xtic véi dudng thing d,:x-2y+3=0 tai M (1;2) v c6 tim thudc dudng thang
d,:x-5y-5=0.

® Tiép xiic voi duong thang d, :3x—4y—31=0 tai M (1;=7) vacé bankinh R=5.

Qua A(5;3) va tiép xtrc voi d:x+3y+2=0 tai M (L;,-1)

@ Déi ximg voi (C):(x—1)"+(y-2)"=4 qua d:x—y-1=0

® Dbi xing v6i (C):x* +y* —2x—4y+3=0 qua d:x-2=0

Di qua gdc toa do va tiép xidc v6i hai duong thing d:2x+y—1=0 va d":2x— y+2=0.

@ Di qua diém A(1;1) va tiép xdc véi hai dudng thang d:7x+y-3=0 va d":x+7y-3=0.
Viét phuong trinh dudng tron di qua diém A (3;3) va tiép xdc vé6i dudng thang 2x+y-3=0

tai diém B(1;1).
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Bai 49.

Bai 50.

Bai 51.

Bai 52.

Bai 53.

Bai 54.

Bai 55.

Bai 56.

Viét phuong trinh cta dudng tron (C) c6 tm ndm trén dudng thang A:4x+3y-2=0 va tiép
xiic véi hai duong thing d:x+y+4=0 va d’:7x— y+4=0.

Viét phuong trinh dudng tron tiép xdc véi dudng thang x—7y+10=0 tai diém A(4;2), biét
tam dudng tron nay nam trén dudng thing 2x+y=0.

Viét phuong trinh dudng tron (C) di qua A(1;—2) va cdc giao diém cua dudng thing
x—7y+10=0 vé&i duong tron: x>+ y* —2x+4y-20=0.

Cho dudng tron (C) c6 phuong trinh: x*+ y* +4x+4y—17=0. Viét phuong trinh tiép tuyén
d cua (C) biét:

@ d tiép xtic véi (C) tai diém M (2;1).

@ d diquadiém A(2:6).

® d song song voi duong thing A:3x—4y—192=0.

@ d vudng géc v6i duong thang A":2x—y+1=0.

Cho dudng tron c6 phuong trinh: x* + y> —4x+8y—-5=0.

@ Tim toa d6 tdm va ban kinh cta duong tron.

@ Viét phuong trinh tiép tuyén clia dudng tron di qua diém A (-10).

® Viét phuong trinh tiép tuyén clia dudng tron di qua diém B (3;-11).

@ Viét phuong trinh tiép tuyén cta dudng tron vudng géc v6i duong thang x+2y=0.

® Viét phuong trinh tiép tuyén ctia dudng tron song song véi dudng thing 3x— y+2=0.

® Tim diéu kién ctia m dé duong thing x+(m—1)y+m=0 tiép xdc v6i dudng tron.

Cho dudng (C,,) c6 phuong trinh: x*+ y> —2mx—4(m—-2)y+6-m=0

@ Tim diéu kién ctia m dé (C,,) 1a phuong trinh ctia dudng tron.

@ Tim tap hop tam cdc dudng tron (C,,) khi m thay doi.

Cho diém A(3;1).

@ Tim toa d diém B va C sao cho OABC 1a hinh vudng va diém B nam trong géc phan tu
thir nhat.

@ Viét phuong trinh hai duong chéo va tim tdm ciia hinh vuéng OABC .

® Viét phuong trinh dudng tron ngoai tiép hinh vuéng OABC .

Cho hai duong tron (C,): x> +y* —6x+5=0 va (C,):x* +y> —12x—-6y+44=0

@ Xdc dinh tAm va ban kinh cta céc duong tron (C,) va (C,).

@ Viét phuong trinh dudng thing A tiép xdc véi cd hai dudng tron (C,) va (C,).
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Bai 57.

Bai 58.

Bai 59.

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Cho hai duong tron (C,):x*+y* —4x—-8y+11=0 va (C,):x* +y> -2x-2y-2=0
@ Xdc dinh tAm va ban kinh cta céc duong tron (C,) va (C,).
@ Viét phuong trinh dudng thang A tiép xdc véi cd hai dudng tron (C,) va (C,).

Cho AABC, céc canh BC, CA va AB c¢6 phuong trinh BC:x+2y-5=0, CA:2x-y-5=0
va AB:2x+y+5=0.

@ Tim cic gbéc cua AABC.

® Tim phuong trinh cdc duong phan gidc trong ctia goc A va B.

® Tinh toa d6 tam, ban kinh va viét phuong trinh dudng tron ndi tiép AABC.

Cho AABC c6 A(0,25;0), B(2;0), C(-2;2).

® Tim géc C cua tam gidc ABC .

@ Viét phuong trinh dudng tron nodi tiép AABC .

® Viét phuong trinh tiép tuyén ctia duong tron ndi tip AABC biét tiép tuyén nay song song

voi canh BC . Tim toa dd tiép diém.
Trong mit phing toa dd Oxy cho ba diém A(2;4), B(1;-1) va C(41).
@ Viét phuong trinh dudng tron di qua ba diém A, B, C.
@ Viét phuong trinh céc tiép tuyén ciia duong tron ay tai diém A va C.
® Tim géc tao boi hai tiép tuyén 4y.
Trong mit phang toa dd Oxy cho hai diém A(12;0) va B(0;5).
@ Viét phuong trinh dudng tron (C,) ndi tiép tam gidc OAB.
@ Viét phuong trinh dudng tron (C,) di qua ba trung diém ctia ba canh clia tam gidc OAB .
® Viét phuong trinh tiép tuyén ctia dudng tron (C,) di qua diém O.
@ Chung t6 rang hai duong tron (C,) va (C,) khong cit nhau.
Cho dudng tron (C, ): x> +y* =2(m—1)x—4my+3m+11=0
@ Vi gid tri ndo ctia m thi (C,, ) 1a mdt duong tron.
@ Xac dinh tdm ca ban kinh ctia duong tron véi m = 3.
® Tim tap hop tam cua dudng tron (C, ) khi m thay doi.
Cho dudng cong (C,,): x> +y* —4mx—2y+4m=0
@ Ching minh rang (C,) Ia duong tron véi moi gid tri cia m. Tim tAm va bén kinh cua

duong tron d6 theo m .

@ Tim tap hop tdm cua dudng tron (C, ) khi m thay doi.
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Bai 64. Cho duodng tron (C,): x> +y* +2mx—4(m+1)y—-1=0
@ Tim tap hop tam ciia dudng tron (C, ) khi m thay doi.
® Chirng t6 cdc dudng tron nay di qua 2 diém cb dinh khi m thay doi.
® Cho m=3 vadiém A(0;-1). Viét cdc tiép tuyén ciia duong tron (C,) ké tir diém A.
Bai 65. Cho hai duong tron (C):x*+y*> —1=0 va (C,):x*+y* -2(m+1)x+4my-5=0
@ Tim tap hop tdm cia cic duong tron (C,, ) khi m thay doi.
@ Ching minh ring ¢6 hai duong tron (C,) va (C,) trong céc dudng tron (C,) tiép xiic véi
duong tron (C).
® Viét phuong trinh tiép tuyén chung ctia hai dudng tron (C,) va (C,).
Bai 66. Cho duodng tron (C,):x*+y* —(m—2)x+2my—1=0
@ Tim tap hop tam ciia dudng tron (C, ) khi m thay doi.
® Chimng t6 cc dudng tron ndy di qua hai diém cb dinh khi m thay doi.
® Cho m=-2 vadiém A(0;—1). Viét phuong trinh cic tiép tuyén ciia dudng tron (C_,) ké tir
diem A.
Bai 67. Cho phuong trinh: x*+ y> —6x—2y+6=0 (1)
@ Chirng minh ring (1) 1a phuong trinh ctia dudng tron (C), xdc dinh tim va ban kinh.
@ Viét phuong trinh cdc tiép tuyén v6i (C) xuat phét tir diém A(5;7). Tim toa do tiép diém.
Bai 68.  Xét dudng thing d :~/2x+my+1-+/2 =0 va hai duong tron (C,): x> +y* —4x+2y—-4=0 va
(C,):x*+y* —10x-6y+30=0 c6 tam lan lugt [a 7 va J .
@ Ching minh (C,) tiép xtic ngoai véi (C,) va tim toa do tiép diém H .
@ Goi d 1a mot tiép tuyén chung khong di qua H cua (C,) va (C,). Tim toa d¢ giao diém K
cua d va duong thang 1J .
® Viét phuong trinh duong tron (C) di qua K va tiép xtc véi hai dudng tron (C,) va (C,)
tai H .
Bai 69. Cho dudng tron (7') c6 phuong trinh: x*+ y*> —4x+2y+1=0.
@ Chirng minh dudng thang OA voéi A(—4;-3) tiép xic véi (T).
@ Viét phuong trinh dudng tron ¢ tam thude truc Ox va tiép xiic voi duong thing OA tai A.
Bai 70. Cho diém 7(-1;2) va duong thing A:3x+2y+12=0.
@ Viét phuong trinh dudng tron (C) c6 tdm I va tiép xdc véi A.
@CMR d:x-5y-2=0 cit (C) tai2 diém A va B.Tinh AB.
® Viét phuong trinh tiép tuyén véi (C) song song véi d:2x—3y+1=0.
@ CMR diém M (1;3) ndm trong dudng tron (C). Viét phuong trinh dudng thang chira day
cung clia (C) nhan M 1am trung diém.
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Bai 71.

Bai 72.

Bai 73.

Bai 74.

Bai 75.

Bai 76.

Cho hai diém 7(0;5) va M (3;1).

@ Viét phuong trinh dudng tron (C) c6 tdm I va di qua diém M .

@ Tim phuong trinh tiép tuyén véi (C) ké tir A(5;-2).

® Dinh m dé duong thang d:y=x+m va dudng tron (C) c6 giao diém.

@ CMR N (5;5) thudc dudng tron. Tim diém P trén (C) sao cho AMNP vudng tai M .

Trong mit phang véi hé truc Oxy cho hai diém 7(-1;2) va M (=3;5).

@ Viét phuong trinh dudng tron (C) c6 tam I va di qua M.

@ Dinh m dé duong thang A:2x+3y+m=0 tiép xiic véi (C).

® Viét phuong trinh céc tiép tuyén ciia (C) tai hai giao diém A, B ciia dudng tron (C) véi
duong thang x-5y-2=0.

@ Tim diém C sao cho AABC 1a tam gidc vudng ndi tiép duong tron (C).

Cho dudng thiang A: y+2x+3=0 va hai diém A(-5;1) va B(-2;4).

@ Viét phuong trinh dudng tron (C) qua A, B vacé tim I thudc A.

@ Viét phuong trinh tiép tuyén tai A véi dudng tron (C). Tim toa do giao diém cta tiép tuyén
nay voi truc Ox .

® Viét phuong trinh céc tiép tuyén véi dudng tron (C), biét tiép tuyén qua E(1;2). Tim toa
do tiép diém.

Cho dudng tron (C):x* +y* —6x—4y-12=0 va diém A(0,54,5).

@ Xac dinh tdm va béan kinh ctia duong tron da cho.

® Chimng t6 diém A & trong duong tron.

® Viét phuong trinh dudng thing chira diy cung qua A sao cho ddy cung ngin nhat.

Cho phuong trinh x*+ y* —=2mx—2(m—-1)y=0 (1).

@ Chung minh rang véi moi m (1) 1a phuong trinh ciia duong tron.

® Tim ban kinh va gid tri nho nhat ctia ban kinh ciia duong tron trén.

® Tim tap hop tdm ctia dudng tron (1) khi m thay doi.

@ Chung to cdc dudng tron nay di qua hai diém cb dinh khi m thay doi.

® Tim m dé duong tron (1) tiép xdc véi dudng thiang: x+y—1=0.

Cho duong tron (C):(x—=2)" +(y—-2)" =9 va diém M (—4;-1).

@ Chirng minh ring diém M nam ngoai dudng tron (C).

@ Viét phuong trinh dudng thing d qua M cic (C) tai hai diém A, B sao cho MA=2MB.
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Bai 77. Cho hinh chiia nhat ABCD . Goi [ (%, Oj 12 tAm duodng tron ngoai tiép. Phuong trinh chira canh
AB:x-2y+2=0, AB=2AD .Timtoad¢ cacdinh A, B, C, D biét A ¢6 hoanh d6 am.
Bai78. Cho hai duong tron (C):(x—1)"+(y+2)" =13=0 va (C"):(x+3)"+(y-1)"-36=0
@® Chung to hai duong tron trén cét nhau.
@ Viét phuong trinh dudng thing chira diy cung chung.
® Tinh d¢ dai doan diy cung chung.
Bai 79. Cho hai diém A(8;0) va B(0;6).
@ Viét phuong trinh dudng tron noi tiép tam gidc OAB .
@GoiMM, N, P lan lugt 1a trung diém ctia OA, AB, OB .Viét phuong trinh dudng tron
ngoai tiép tam gidc MNP .
® Chung minh hai duong tron trén tiép xdc nhau. Tim toa do tiép diém.
Bai 80. Cho duong tron (C):x*+y” =1. Pudng tron (C’) ¢6 tam 1(2;2) cat (C) tai hai diém phan
biét A, B sao cho AB=+/2. Hiy viét phuong trinh dudng thing AB.
1Y ,
Bai 81. Cho AABC c6 A(1;0), B(0;2) va dudng tron (C):(x—1)° +(y—§j =1. Viét phuong trinh
duong thang di qua cdc giao diém ciia dudng tron (C) va dudng trdn ngoai ti€p AOAB .
. . mx+3y+m+3=0 (1)
Bai 82. Cho h¢ phuong trinh: § =/
X +y =2x-15=0 (2)
@ Chung minh rang hé lu6n ¢6 hai nghiém véi moi m .
@Goi (x;y,) va (x;:y,) Ia 2 nghiém cua hé. Tim GTLN - GTNN cia biéu thirc
2 2
F=(x-x)+(y-5)"
Bai83. Cho hai sb thic x, y théa x*+4x+y>—5=0. Tim GTLN - GTNN cua biéu thuc
T=3x+4y.
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3. ELIP

1. Dinh nghia:
Cho F,, F, cb dinh véi FF, =2c (¢>0):
Y
M e (E) & MF,+MF, =2a| (a>c)
P b|B, o)
F,, F,: céc tiéu diém, FF, =2c: tiéu cy AYCF, F,\ A,
) —afN_-¢ O Ja 3
2. Phuvng trinh chinh tac ciia elip:
\) -b|B, R
, x2 y2
¢ Phuong trinh chinh tac: —2+le (@a>b>0, b>=a’-c*)
a

e Toa dj cic tidu diém: F, (—¢;0), F,(c;0)

e V&i M (x,:y,)€(E):

2 2
'XM yM
?'F? 1,—GSXMSG, —b<yMSb

v' MF,, MF, ban kinh qua tiéu diém: MF, =a +£xM , MF,=a —ExM :
a a

3. Hinh dang elip:
e (E) nhan céc truc toa do lam truc déi xting va gdc toa dd lam tim déi xtng.
e Toa dp cac dinh: A (-a;0), A,(a;0), B (0,-b), B,(0;b).

e Do dai cic truc: truc 1é6n A A, =2a ; truc nhé BB, =2b

e Tamsaicia (E): le==| (0<e<l)

e Hinh chit nhit co s (ngoai tiép elip) PORS : tao boi céc duong
thing x=+a, y=14b.
4. Dutng chudn ciia elip:
e Phuong trinh cic duong chuan A,, A, Uung vdi1 céc tiéu diém

F,F la x+2=0

[
e /FI/O‘

o V6i M E),taco: = =
6i Me(E),taco JOMA) - d(M.A)

Q|
=

=
~
5
|
® |2
/
Q
)

Q

(e<]) A

=
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Dang 1. Xdc dinh cdc yéu 6 cia elip

XA

A. PHUONG PHAP GIAI

2 2

e Chuyén (E) vé dang chinh tic: x—2+%=1 (a>b>0).
a

Xicdinh a, b =c*=a*-b".

e Cac yéu td: ¢ DO dai truc 16n: 2a, truc nho: 2b
¢ Tiéu cu 2¢
* Toad) cic dinh A (-a;0), A,(a;0), B,(0;-b), B,(0;b).

. ) c
¢ Tamsai e=—<1
a

N ) \ A a
Phuong trinh cdc duong chuan: x=—=0.
e

Phuong trinh bdn canh hinh chit nhat co s6: x=+a, y=1b

*

*

B.CACVIDY

VD 1. Cho elip (E ) Xdc dinh do dai céc truc, tidu cu, toa do céc tiéu diém, toa do cdc dinh, tAm sai,

phuong trinh céc dudng chuan cta (E), véi (E) c6 phuong trinh:

€ A @ 16x* +25y* = 400 @ 9x” +25y” =1
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C.BAITAP TU LUYEN

Bai 1. Cho elip (E ) Xac dinh d6 dai cac truc, tiéu cu, toa dd cac tiéu diém, toa do cac dinh, tam sai,

phuong trinh cdc dudng chuan ciia (E ), v6i (E) c6 phuong trinh:

2 yz ~ X y_ R -
@2—5+3_1 @ 5= ® ¥’ +4y* =4
@ x*+9y*=9 @4x +9y* =5 ® x*+4y* =1

Dang 2. lap phuong trinh elip
GO0
A. PHUONG PHAP GIAI
e Buéc 1: Phuong trinh elip ¢6 dang (E): X—Z+Z—§=1

e Buéc 2: Thiét 1ap hé phuong trinh chtra a, b détim a va b.
w. Chii ¥ cdc két qua sau:
v oat=b"+¢?
2

v Khoang céch giita hai duong chuan: .
c

v/ Bbn canh hinh chit nhit co sé: x=*a, y=+b

B.CACVIDY

VD 2.  Lap phuong trinh chinh tic cua elip (E), biét:

@ Do dai truc 16m va truc nhé 1an luot 12 8 va 6.
@ Do dai tryc 16n bang 10 va tidu cu bang 6

3 Do dai truc 16n bﬁng 8 vatamsai e=—

@ Di qua diém M (0;3) va N(3 —%j

® Mot tiéu diém F, (—J§; 0) va di qua diém M (1; == 1.
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C.BAITAP TU LUYEN

Bai 2.

Lap phuong trinh chinh tic cta elip (E), biét:

@ Do dai truc 16n 1a 6, truc nho bang 4.

@ Do dai truc bé bang 8 va tiéu cu bang 4

@3 Do dai truc 16n bﬁng 8 va do dai truc nho béng ti€u cu
@ Mot tiéu diém F, (1;0) va do dai truc nho bang 2.

® Tiéu cu bang 8 va di qua diém M (\/B, —1)

® Do dai truc nho bang 6 va di qua diém M (-24/5:2).
@ Mot tiéu diém F, (-2;0) va do dai truc 16n bang 10.

g

Mot tidu diém F, (\/g, O) va di qua diém M (l; - |

B3

@ Pi qua hai diém M (1,0) va N(T; lj
@0 bi qua hai diém M (4, —\/5) va N(Z\/E; 3)

) . 4R . 12
@D Pi qua hai diém M (0;3) va N(3; —?j

@ Do dai tryc 16n bang 10 va tim sai bang %

@ Do dai truc nhé 1a 6, phuong trinh cdc duong chudn 1a x/7 £16=0
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Di qua diém M (2; —%j va c6 tAm sai bang %

@ C6 tiéu cy bang 4 va ti s6 do dai hai tryc bang ?5

Piqua M (3; 23 ) va ¢6 ban kinh qua tiéu diém trdi cia M bang 20.

@ C6 phuong trinh céc canh ctia hinh chit nhat co s x =49, y=13.

Hinh chit nhat co s¢ ¢c6 mot canh nam trén dudng thang x—2=0 va c6 do dai dudng chéo
bing 6.

@ C6 dinh A (-5;0) va phuong trinh dudng tron ngoai tiép hinh chit nhat co so c6 dang
x4yt =34,

@) C6 do dai tryc 16n bang 42, cdc dinh trén truc nhé va céc tidu diém cua (E) cung nam

trén mot duong tron.

Dang 3. Tim diém trén elip- Tuvng giac

Ak k)
A. PHUONG PHAP GIAI

1. Tim diém M trén hypebol (H):

P ‘A 4:4 c c
¢ Ban kinh qua tiéu diém: MF, =a+ex,, =a+—-x,,; MF, =a-ex,, =a——-x,,

e Dinh Ii ham s6 cosin: FF, = EM’+F,M" —2FM_.F,M .cos I@

e Diém M (x5, )€ (E): x
2
X
Xy Y a_AgSl —azx>a F F.
M(XM;YM)E(E)ﬁ?—F?:l: yj/[ :{_nggb 1 2

2 2

2. Tuong giao giita dutng thing d va elip (€):
Cho dudmg thing d : Ax+By+C =0 vaelip (E):x—2+%:1:
a
e Tir phuong trinh d, rit y theo x (hoic x theo y ) thé vao phuong trinh (E) ta
duoc phuong trinh bac hai, ki hi¢u 1a phwong trinh (1).
e S diém chung (néu c6) cia d va (E) 1a s6 nghiém cua (1).

v' (1) vO nghiém & d va (E) khong c6 diém chung
v" (1) ¢6 nghiém kép & d va (E) tiép xtic nhau
v' (1) ¢6 hai nghiém phan bién ¢ d cat (E) tai hai diém phan biét.
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B.CACVIDY

+<—=1. Tim nhitng diém nam trén (E) sao cho sb do m =60°.
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VD 5. Choelip (E):x*+9y*=9
@ Tim diém M trén (E) sao cho MF, = 2MF, .

1 6

@ Tim diém M trén (E) sao cho 3MF, = MF,.
) + = :
ME  MF, RF,

3 Tim diém M trén (E) sao cho
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VD 6. Cho elip (E):16x*+25y> =100 va d:y=x+b.
@ Tim b dé d va (E) c6 diém chung.
@Khi d cit (E) tai hai diém phanbiét A, B. Tim b dé AB dai nhit.
C.BAITAP TU LUYEN
., x2 y2 i ,
Bai3.  Tim nhing diém M trén elip (E ):2—5+— =1 sao cho hi¢u s0 hai ban kinh qua tiéu diém
s 32
bang —.
55
x2 y2 , . ] -
Bai4. Choelip (E): 2—5+7 =1. Tim nhitng di€ém nam trén (E) sao cho s6 do F,MF, la:
@ 90° @ 30°.
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Bai5.  Choelip (E):4x>+9y” =36. Tim nhitng diém nam trén (E) sao cho s do I@ la:
@ 90° @ 60° ® 30°.
X2 y2 i
Bai 6.  Cho elip (E):F+£=1. Tim diém M € (E) sao cho:
@ MF, =4MF, @Nhin F, va F, dudi mt géc vudng.
Bai7. Choelip (E). Timdiém M € (E) sao cho:
(@ MF, = MF, (b MF, =3MF, (© MF, = 4MF,
@ 9x* +25y* =225 @ 9x* +16y* =144 @ 7x*+16y* =112
Bai8. Choelip (E). Timdiém M € (E) nhin hai tiéu diém dudi mot géc vudng:
@ 9x* +25y* =225 @ 9x* +16y* =144 @ 7x* +16y* =112
Bai9. Choelip (E) va dudng thang d vudng gbc véi truc 16n tai tiéu diém bén phai F, cat (E) tai
hai diém phan biét M , N .
@ Tim toa do cic diém M , N . ( Tinh MF,, MF,, MN .
@ 9x* +25y* =225 @ 9x* +25y* =1 @ 7x* +16y* =112
Xy’ 2 3 ;
Bai 10. Cho elip (E)2—5+? =1. Tim diém M trén d:x+5=0 sao cho M céch déu tiéu di€m trai
va dinh trén cta elip (E).
Bai11. Cho elip (E). Tim nhing diém M e (E) nhin hai tiéu diém dudi 1 géc 30°, 45°, 60°, 90° va
120°, véi (E) c6 phuong trinh:
@ 9x*+25y* =225 @ 9x*+16y* =144 @ 7x*+16y* =112
Bai 12. Choelip (E):16x* +25y* =400.
@Biét M e (E) sao cho MF, =3. Tim MF, va tim toa do diém M .
@ Day cung AB thay d6i di qua tiéu diém F, nhung khong di qua tiéu diém F, cta (E).
Chirng minh rang chu vi tam gidc ABF, khong doi.
Bai 13. Choelip (E):9x* +16y” =144 va duong thang d:3x+4y—12=0.

@ Chiing minh rang d ludn cit (E) tai hai diém phan biét A, B. Tinh d6 dai AB.
(@ Tim toa d6 diém Ce (E) sao cho:
@ AABC c6 diéntichbang 6. (® AABC c6 dién tich 1on nhat.  (© AABC vudng.
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Bai 14.

Bai 15.

Bai 16.

Bai 17.

Bai 18.

Bai 19.

Bai 20.

Bai 21.

2 2

Cho elip (E):x?+y7:1 va duong thing d :3x—y-m=0.
@ Vi gid tri nao ctia m thi d cat (E) tai hai diém phan biét ?
(@ Vi gid tri nao ctia m thi d cat (E) tai mot diém duy nhat?

2 2

Cho elip (E ):%+y7 =1. Lap phuong trinh duong thang d qua diém M (=1;—1) va d cit
E') tai hai diém phan biét A, B sao cho M latrun diém cua AB.
p g

2 2

Lap phuong trinh dudng thing d qua diém M (3;0) sao cho d cat (E ):;—5+y7:1 tai 2

diém phan biét A, B nhan M lam trung diém.

Cho elip (E):16x>+25y*> =100 va d: y=x+b.

@Tim b dé d va (E) c6 diém chung.

@Khi d cit (E) tai hai diém phanbiét A, B. Tim b d¢ AB dai nhit.
Chtng minh elip (E):%Z;—; =1 va (E’):2x>+8y* =16 cit nhau tai 4 diém. Lap phuong
trinh duong tron qua bon diém do.

Cho elip (E):16x*+25y* =100 va d: y=x+b.

@Tim b dé d va (E) c6 diém chung.

@Khi d cit (E) tai hai diém phanbiét A, B. Tim b d¢ AB dai nhit.
Cho elip (E):9x>+25y*> =225 va d:y=x+b.

@ Tim toa do tiéu diém, tAm sai va do dai cdc tryc cua (E).

(2 Dudng thang d qua tidu diéu F,, vudng géc véi truc Ox va cit (E) tai hai diém M, N .
Tinh d6 dai doan thing MN .
@ Lay P, Q thudcelip (E) sao cho PF, +QF, =6. Tinh QF, + PF,.

@ Cho diém K € (E). Tinh KF,.KF,+OK”, véi O la gbc toa do.

Choelip (E):9x*> +16y* =144 va d:y=x+b.

@ Tim toa do tiéu diém, tAm sai va do dai cdc tryc cua (E).

@ Goi M 1a diém di dong trén (E). Ching minh OM* + MF,.MF, 1a mot hang sb.
@ Tim diém N thudc (E) sao cho ANF,F, vuong tai N .

@ Cho A, B la hai diém nam trén (E) véi AF, + BF, =8. Tinh AF, + BF,.
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3. TRICH DE DH-CD-THPTQG

A - DPUONG THANG

4.1

4.2

4.3

4.4

4.5

4.6

4.7

4.8

Trong mat phéng véi hé toa d§ Oxy, xét AABC vudng tai A, phuong trinh dudng théng BC
1a V3x—y—~3=0, cdc dinh A va B thudc tryc hoanh va ban kinh dudng tron nodi tiép
AABC bang 2. Tim tga d) trong tam G cua AABC.

7+;1\/§;6+32J§}G{—1—34\/§;—6—32x/§j

PH Khoi A -02 bsS: G{

, 1
Trong mat phiang véi hé toa do Oxy cho hinh chit nhat ABCD c6 tam [ (E;Oj , phuong trinh

duong thing AB 1a x—2y+2=0va AB=2AD. Tim toa do cdc dinh A, B, C, D biét rang
dinh A ¢6 hoanh d6 am.

DH Khoi B -02 DS: A(-2;0),B(2;2),C(3;0),D(-1;-2)
Trong mit phang voi hé toa dd Oxy cho AABC va diém M (-1;1) 1a trung diém cua AB . Hai
canh AC va BC theo thir ty ndm trén hai dudng thing 2x+y—-2=0 va x+3y-3=0.

@ Xéc dinh toa d6 ba dinh cia AABC , viét phuong trinh duong cao CH .

@ Tinh dién tich cia AABC.

CD SP Vinh Phiic -02 bBS: a) A(1;0), B(-3;2), C(3/5;4/5) b) 10x-5y-2=0

Trong mit phang v6i hé toa dd Oxy cho AABC c¢6 AB=AC, BAC =90°. Biét M (L-1) l1a
trung diém canh BC va G(%; Oj la trong tdim AABC . Tim toa d§ cac dinh A, B, C.
DH Khoi B -03 DS: A(0;2),B(4;0),C(-2;-2)

Cho AABC c6 dinh A(1;0) va hai duong thing lan lugt chira cdc dudng cao v& tit B va C ¢6
phuong trinh tvong tng la x—2y+1=0 va 3x+y—-1=0. Tinh dién tich cua AABC.
DBI Khéi D -03 DS: S, =14

Trong mit phing voi hé toa dd Oxy cho hai diém A(2;0) va B (—\/5 : —1) . Tim toa do truc tam
va toa d6 tAm dudng tron ngoai tiép AOAB .
DH Khéi A -04 bs: H(\3:-1), 1(—/3:1)

Trong mit phang v6i hé toa dd Oxy cho hai diém A(L;1) va B(4;-3). Tim diém C thudc
duong thing x—2y—1=0 sao cho khoang cdch tir C dén duong thing AB=6.
DH Khdi B -04 DS: C,(7:3).C, (—43/11;-27/11)

Trong mit phing véi hé toa d6 Oxy cho AABC c6 cic dinh A(-10), B(4,0), C(0;m), voi
m khic 0. Tim toa d0 trong tim G cuia tam gidc GAB theo m . Xé4c dinh m dé AABC vudng
tai G .

DH Khéi D -04 DS: G(1,m/3), m=13/6
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4.9 Trong mit phang véi hé toa d Oxy cho AABC c6 céc dinh A(0;1) va hai duong thing chira

cdc duong cao vé tt B va C c6 phuong trinh tuong Gng la 2x—y—-1=0 va x+3y-1=0.

Tinh dién tich AABC .

CP Piéu duiong -04 DS: S, ,pc =14 (dvdt)
4.10 Trong mit phing véi hé toa d0 Oxy cho dudng thing d c6 phuong trinh

2x+3y+1=0 va diém M (1;1). Viét phuong trinh ciia cdc dudng thang di qua diém M va tao

v6i duong thing d mot gée 45°.

CD KTKT I -04 DS: 5x+y-6=0; x-5y+4=0
4.11 Trong mit phang véi hé toa d6 Oxy cho tam gidc ABC c6 céc dinh A(3;9) va hai duong

thang chtra cic duong trung tuyén BM va CN c6 phuong trinh twong tmg 12 3x—4y+9=0

vd y—6=0. Viét phuong trinh dudng trung tuyén con lai.

DH Hung Vuong hé CD -04 DS: 3x+2y-27=0
4.12 Cho hai duong thang: d,:x—y+1=0, d,:2x+y—-1=0 vadiém P(2;1).

@ Viét phuong trinh dudng thing di qua diém P va giao diém I cia hai duong thing d,, d,.

@ Viét phuong trinh duong thing di qua diém P va cit hai dudng thiang d, d, 1an Tuot tai A

va B sao cho P la trung diém cta AB.

CD SP Hai Phong -04 DS:a) y-1=0b) 4x-y-7=0
4.13 Trong mit phing v6i hé toa d6 Oxycho AABC c6 phuong trinh duong thing AB la

x—2y+7=0, cic dudng trung tuyén ké tir A, B 1an luot c6 phuong trinh 1a x+y—-5=0 va

2x+y-11=0.

® Hay tinh dién tich cia AABC.

® Viét phuong trinh duong thing AC, BC.

CD SP NT-MG TWI -04 DS:a) S,z =45/2 (dvdt)

b) AC:16x+13y-68=0, BC:17x+11y—-106=0

4.14 Cho AABC c6 A(-6;-3), B(-4;3), C(9;2).

@ Viét phuong trinh céc canh ciia AABC .

@ Viét phuong trinh dudng phin gidc trong ctia géc A clia AABC .

® Tim diém M trén canh AB va tim diém N trén canh AC sao cho MN // BC va

AM =CN .
CD Khoi A -04 DS:a) AB:3x—y+15=0, AC:x-3y-3=0, BC:x+13y-35=0
b) x—y+3=0¢) M(-32/7;9/7), N(33/7;4/7)

4.15 Cho diém 1(-2;3). Tim phuong trinh duong thang qua / va cdch déu hai diém A(3;-1),

B(3;5).

CD KTKT CN I -04 DS:A 1 x+2=0;A,: x+5y-13=0
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4.16

4.17

4.18

4.19

4.20

4.21

4.22

4.23

4.24

Trong mit phing véi hé toa dd Oxy, cho ba diém A(2;1), B(-2;3), C(4;5). Hay viét
phuong trinh cdc duong thang cich déu ba diém A, B, C.

CD TCKT 1V -04 DS:x-3y+6=0; x+2y-9=0; 2x-y+2=0
Trong mat phéng véi hé toa do Oxy, cho hai duong théng d:x—y=0vad,:2x+y-1=0.
Tim toa do cic dinh hinh vudng ABCD biét rang dinh A thudc d,, dinh C thudc d, va céc
dinh B, D thudc truc hoanh.

PH Khéi A -05 bS: A(1;1),B(0,0),C(1;-1),D(2;0)v A(1;1), B(2;0),C(1;-1),D(0;0)

. 41
Trong mat phang vé6i h¢ toa dd Oxycho AABC can tai dinh A c6 trong tam G(g,gj , phuong
trinh duong thang BC 1a x—2y—4=0 va phuong trinh duong thing BG 1a 7x—4y—8=0.
Tim toa d0 cac dinh A, B, C cua AABC.
DBI Khéi B -05 DS: A(0;3),B(0;-2),C(4;0)
Trong mit phing voi hé toa do Oxy, cho dudng thing d:3x—4y+1=0. Hay viét phuong
trinh cdc duong thang song song véi d va cich d mot khoang bang 1.
CP KT Cao Thang -05 BS: A, :3x+4y—4=0,A,:3x+4y+6=0
Trong mit phang véi hé toa dd Oxy, cho céc dudng thang: d:x+y+3=0,d,:x—y—-4=0
va d;:x—2y=0. Tim toa d diém M nam trén duong thing d, sao cho khoang cach tt M
dén duong thang d, bang hai 1an khoang cich tir M dén duong thang d,.
DH Khéi A -06 DS: M, (-22;-11)v M, (2;1)
Trong mit phang voi hé truc toa do Oxy, cho AABC c6 dinh A thudc duong thing
d:x—4y—-2=0, canh BC song song voi d . Phuong trinh duong cao BH :x+y+3=0 va
trung diém ciia canh AC 1a M (1;1). Tim toa do cdc dinh A, B, C.
DB2 Khéi A -06 bDS: A(-2/3;-2/3),B(—4;1),C(8/3;8/3)

Trong mit phing véi hé truc toa dd Oxy, cho AABC cén tai B, v6i A(L-1), C(3:3). DPiém
B nam trén dudng thing d:2x—y=0. Viét phuwong trinh cic dudng thing AB, BC.

DBI Khéi B -06 DS: AB:23x—y—24=0,BC:19x—13y+8=0
Trong mit phang v6i hé truc toa dd Oxy, cho AABC c6 dinh A(2;1), duong cao qua dinh B
c6 phuwong trinh 1a x-3y—7=0 va dudng trung tuyén qua dinh C c6 phuong trinh Ia
x+y+1=0. Xdac dinh toa d6 cac dinh B va C cua AABC.

DB2 Khéi B -06 DS: B(-2;-3),C(4;-5)
Trong mit phing voi hé toa d6 Oxy, cho hai dudng thang: d :2x-3y+1=0 va
d,:4x+y-5=0. Goi A la giao diém cta d,, d,. Tim diém B trén d, va diém C trén d,
sao cho tam gidc ABC ¢6 trong tim 12 diém G (3;5).

CD BC Hoa Sen -06 DS: B(61/7,43/7),C(-5/7;55/7)
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4.25

4.26

4.27

4.28

4.29

4.30

4.31

4.32

Trong mit phing véi hé toa @ Oxy, cho dudng thang d:x+y-3=0 va hai diém A(L;1),
B(-3;4). Tim toa d¢ diém M thudc dudng thang d sao cho khoang cich tir M dén dudng
thing AB bang 1.

CD Dién lyc 06 DS: M, (0;3).M, (10;=7)

Cho ba diém A(1;2), B(3;1), C(4;3). Ching minh rang tam gidc ABC can. Viét phuong
trinh cdc dudong cao cua tam gidc do.
CD KTKT CN I -06

DS:a) AABC cantai B b)AH :x+2y—-5=0,Bl :3x+y—-10=0,CK :2x—y—-5=0
Trong mit phang véi hé toa do Oxy, cho diém 7(-2;1) va dudng thing d c6 phuong trinh la
3x-4y=0.
@ Viét phuong trinh dudng tron (C) c6 tdm I va tiép xdc véi d .
@ Viét phuong trinh tap hop cic diém ma qua d6 vé& dwoc hai tiép tuyén dén (C) sao cho hai

tiép tuyén vudng géc voi nhau.
CD Kinh t¢e TPHCM -06 DS:

Cho hinh thoi ABCD c6 phuong trinh hai canh va mot dudong chéo la AB:7x-11y+83=0,
CD:7x-11y-53=0, BD:5x—3y+1=0. Tim toa d6 cia B va D. Viét phuong trinh dudng
chéo AC roi suyratoad) cua A va C.

CD GTVT Il -06 DS:

Trong mit phing v6i hé toa @ Oxy, cho diém A(2;2) va cdc dudng thang: d,:x+y—2=0
vi d,:x+y—8=0. Tim toa do cic diém B va C lan luot thudc d, va d, sao cho tam gidc
ABC vubdng cantai A.

DH Khéi B -07 DS: B(-1;3),C(3;5)v B(3;-1),C(5;3)

Trong mit phing Oxy cho AABC c6 trong tim G(-2;0) biét phuong trinh céc canh AB, AC
theo thur ty 1a 4x+ y+14=0; 2x+5y—2=0. Tim toa d6 cac dinh A, B, C.
DB2 Khéi A -07 DS:. A(—4;2),B(-3;-2),C(1;0).

Trong mit phing Oxy cho diém A(2;1) liy diém B thudc truc Ox c6 hoanh do x>0 va
diém C thudc truc Oy c6 trung dd y >0 sao cho AABC vudng tai A. Tim B, C sao cho
dién tich AABC 16n nht.

DBI Khéi D -07 DS: B(0;0),C(0;5)

Trong mit phing Oxy cho cdc diém A(0;1) B(2;-1) va cdc duong thing
d:(m-1)x+(m-2)y+2-m=0, d,:(2-m)x+(m-1)y+3m-5=0. Ching minh d, va

d, udn cat nhau. Goi P=d,Nd,. Tim m sao cho PA+ PB 16n nhit.
DB2 Khéi D -07 DS: m=lvm=2
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4.33

4.34

4.35

4.36

4.37

4.38

4.39

4.40

Viét phuong trinh cdc canh cia AABC biét dinh A(1;1), dudng trung tuyén va duong cao di

qua dinh B 14n Iuot c6 phuong trinh: 3x+4y—27=0 va 2x+y-8=0.

CD Xay dung 2 -07 DS: AB:x—1=0,AC:x—2y+1=0,BC:x+8y—-49=0

Trong mit phing toa dd Oxy, cho AABC c6 A(2;2), B(8:6) va C(L;-1).

@ Tim toa do diém H 1a chian duong cao ké tir dinh A ctia AABC .

@ Viét phuong trinh duong tron di qua hai diém A, B va c¢6 tdm nam trén duong thang

d:5x-3y+6=0.

® Viét phuong trinh dudng thing di qua diém A va cich diém B mot khoang bang 6.

CD SP TW TPHCM -07 DS:a) H(3:1) b) (C):(x=3)"+(y=7)" =26
c) A :x—=2=0,A,:5x+12y-34=0

Trong mat phéng véi hé toa do Oxy, cho AABC c6 dinh A(2; —7) , phuong trinh trung tuyén
CM :x+2y+7=0 va dudng cao BK :3x+y+11=0. Viét phuong trinh cic canh AC va
BC.

CD CN Thuc pham -07 DS: AC:x—-3y—-23=0,BC:7x+9y+19=0
Trong mat phéng v6i hé toa d6 Oxy, hay xdc dinh toa d¢ dinh C cua AABC biét réng hinh
chiéu vudng géc ctia C trén dudng thang AB la diém H (—1;—1), dudng phan gidc trong clia
g6c A c6 phuong trinh x—y+2=0 va dudng cao ké tr B c6 phuong trinh 4x+3y—-1=0.
DH Khéi B -08 DS: C(-10/3;3/4)

Trong mat phéng véi hé toa do Oxy, tim diém thudc truc hoanh va diém B thudc truc tung sao
cho A va B d6i xirng voi nhau qua dudng thing d:x-2y+3=0.
CD Khoi A,B,D -08 DS: A(2;0), B(0;4)

Trong mit phing v6i hé toa d6 Oxy, cho AABC cic duong cao ké tir dinh B va dudng phan
gidc trong cta géc A lan luogt c6 phuong trinh 1a 3x+4y+10=0 vd x—y+1=0; diém
M (0;2) thudc duong thing AB dong thoi cach diém C mot khodng bing ~/2 . Tim toa do
cdc dinh cua tam gidc ABC.

1 1 1
DBI A -08 bS: A(4;5),B| -3;—— |,C(1;1)v A(4;5),B| -3;—— |,C 3—;2
4 4 25725
Tim toa do cic dinh cia AABC biét rang duong thing AB, dudng cao ké tir A va dudng trung
tuyén ké tir B lan luot ¢6 phuong trinh 13 AB:x+4y-2=0, AH:2x-3y+7=0 va
BM :2x+3y-9=0.

DB2 Khéi D -08 DS: A(-2:1).B(6;-1),C(2;5)

Cho tam gidc ABC véi AB=A/5, C(-1;-1), duong thing AB c6 phuong trinh x+2y-3=0
va trong tAm ciia tam gidc ABC thudc dudng thang x+y—2=0. Hay tim toa do cic dinh A
va B.

DBI Khéi B -08 DS: A(4;-1/2),B(6;-3/2)
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4.41 Trong mat phéng voi hé toa d6 Oxy, cho hinh cht nhat ABCD ¢6 diém
1(6;2) Ia giao diém cua hai duong chéo AC va BD. Diém M (1;5) thudc duong thang AB
va trung diém E cta canh CD thudc duong thang A:x+y—5=0. Viét phuong trinh duong
théng AB.

PH Khoi A -09 (CB) BS: AB,:y—5=0,AB,:x—4y+19=0

4.42 Cho tam gidc ABC c¢6 M (2;0) 1a trung diém ctia canh AB . Pudng trung tuyén va dudng cao
qua dinh A 1an luot c6 phuong trinh 13 7x—2y—3=0 va 6x—y—4=0. Viét phuwong trinh
duong thing AC .

PH Khoi D -09 (CB) DS: AC:3x—4y+5=0

4.43 Trong mit phang véi hé toa dd Oxy, cho AABC ¢6 C(—1;-2), dudng trung tuyén ké tir A va
dudng cao ké tir B 1an luot c¢6 phuong trinh [a 5x+y—-9=0 va x+3y—5=0. Tim toa do cic
dinh A va B.

CP Khoi A,B,D -09 (CB) bS: A(L;4),B(5;0)

4.44 Trong mit phang v4i hé toa dd Oxy, cho céc duong thing A:x=2y-3=0,A,:x+y+1=0.
Tim toa d6 diém M thudc dudng thing A, sao cho khoang céich tu diém M dén duong thang

. 1
A, bang —.
2 g \/5
CP Khoi A,B,D -09 (NC) DS: M, (1;-1),M, (-1/3;=5/3)

4.45 Trong mit phang v&i hé toa dd Oxy, cho AABC cén tai A c6 dinh A(6;6); dudng thang di
qua trung diém cta cdc canh AB va AC c6 phuong trinh x+ y—4=0. Tim toa do cic dinh B
va C, biét diém E(1;—3) nam trén duong cao di qua dinh C clia tam gidc da cho.

PH Khéi A - 10 (NC) bS: B(0;—4),C(-4;0)v B(—-6;2),C(2;-6)

4.46 Cho AABC vudng tai A, c6 dinh C(—4;1), phan gidc trong géc A c6 phuong trinh
x+y—5=0. Viét phuong trinh duong thing BC, biét dién tich tam gidc ABC bang 24 va
dinh A c6 hoanh d¢ duong.

PH Khoi B - 10 (CB) DS: BC:3x—4y+16=0

4.47 Trong mit phang toa d Oxy, cho diém A(0;2) va A 1a dudng thing di qua O. Goi H Ia
hinh chiéu vudng géc ciia A trén A. Viét phuong trinh dudng thing A, biét khoang céch tir
H &n tryc hoanh bing AH .

DH Khéi D - 10 (NC) DS: A:(N5-1)x-2JV5-2y=0vA:(V5-1)x+2J5-2y=0

4.48 Trong mat phéng véi h¢ toa d0 Oxy, cho AABC c¢6 phuong trinh cic canh 1a
AB:x+3y-7=0, BC:4x+5y—-7=0, CA:3x+2y—7=0. Viét phuong trinh dudng cao ké
tor dinh A cuatam gidc ABC.

CD Khoi A,B,D - 11 (NC) DS: AH :5x—4y+3=0
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4.49

4.50

4.51

4.52

4.53

4.54

4.55

4.56

4.57

Cho duong thang d : x+y+3=0. Viét phuong trinh dudng thang di qua diém A(2;-4) va tao
v6i duong thing d mot gée bang 45°.

CD Khoi A,B,D - 11 (CB) BS: A:y+4=0;A,:x-2=0
Trong mit phang toa dd Oxy, cho hai dudng thing A:x—y—-4=0 va d:2x—y—-2=0. Tim
toa do diém N thudc duong thing d sao cho dudng thing ON cit duong thing A tai diém
M thoa man OM .ON =8.

DH Khéi B - 11 (CB) DS: N(0;-2)v N (6/5;2/5)

, 1 p
Trong mat phang toa d0 Oxy, cho AABC c6 dinh B (E;lj . Puong tron ndi tiép tam gidc ABC

tiép xtc v6i cdc canh BC, CA, AB tuong Gng tai cic diém D, E v F. Cho D(3;1) va
dudng thing EF c6 phuong trinh y—3=0. Tim toa d6 dinh A, biét A c6 tung d6 dwong.
DH Khéi B - 11 (NC) DS: A(3;13/3)

Trong mit phang toa do Oxy, cho AABC c6 dinh B(—4;1), trong tam G(1;1) va duong thing
chtra phan gidc trong cua géc A ¢6 phuong trinh x—y—1=0. Tim toa d§ cdc dinh A va C.
DH Khéi D - 11 (CB) DS: A(4;3),C(3;-1)

Trong mit phing toa dd Oxy, cho diém A(1;0) va dudng tron (C):x*+y’ —2x+4y-5=0.
Viét phuong trinh dudng thang A cit (C) tai diém M va N sao cho tam gidc AMN vudng
cintai A.

PH Khoi D - 11 (NC) DS: A:y—1=0vA:y+3=0
Trong mit phing v&i hé toa dd Oxy, cho AABC . Céc dudng thing BC, BB, B'C’ lan lugt c6
phuong trinh 1a y-2=0, x—y+2=0, x-3y+2=0; v6i B, C’ tuong ung la chin cdc
duong cao ké tir B, C cua tam gidgc ABC . Viét phuong trinh cic dudng thing AB, AC .

CD Khéi A, A1, B, D - 12 DS: AC:x+y+2=0; AB:2x—y+2=0
Trong mat phéng véi hé toa @0 Oxy, cho hinh chir nhat ABCD c¢é diém C thudc dudng théng
d:2x+y+5=0 vd A(—4;8).Goi M la diém ddi xtng ciia B qua C, N la hinh chiéu vudng
gbéc clia B trén dudng thing MD . Tim toa do cdc diém B va C, biét rang N (5;—4).

DH Khéi A, Al - 13 (CB) bS: B(—4,-7),C(1;-7)
Cho hinh thang can ABCD c¢6 hai duong chéo vudbng goc voi nhau va
AD =3BC . Buong thang BD c¢6 phuong trinh x+2y—-6=0 va tam gidc ABD c0 truc tam la
H (-3;2). Tim toa d§ cdc dinh C va D.

DH Khdi B - 13 (CB) BS: C(-1;6),D(41)v C(-1;6),D(-8;7)

. 17 1 .
Cho tam gidc ABC c6 chan duong cao ha tir dinh A 1&a H (?,—gj , chan dudng phan giac

trong ctia géc A a D(5;3) va trung diém cta canh AB 1a M (0;1). Tim toa do dinh C .
PH Khoi B - 13 (NC) DS: C(9%11)
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4.58 Cho AABC ¢6 diém M (—%,%j Ia trung diém cta canh AB, diém H (-2:4) va diém
I(~1;1) 1an lugt la chan dudng cao ké tir B va tim dudng trdn ngoai tiép tam gidc ABC . Tim
toa do diém C.
PH Khéi D - 13 (CB) BS: C(41)vC(-16)
4.59 Trong mit phing véi hé toa d6 Oxy, cho AABC vudng tai A(-3;2) va c6 trong tam la
11 . .
G(g,gj . Puong cao ké tir dinh A cua AABC di qua diém P(-2;0). Tim toa d§ cdc diém B
va C.
CP Khoi A, ALB,D - 13 (NC) bS: B(7;2),C(-3;-3)v B(-3-3),C(7;2)
4.60 Trong mat phéng v6i hé toa d6 Oxy, cho hinh vuéng ABCD c6 diém M 1a trung diém cua
doan AB va N la diém thudc doan AC sao cho AN =3NC . Viét phuong trinh duong thing
CD, biét ring M (1,2) va N(2;-1).
PH Khoi A, Al - 14 DS: y+2=0;3x—4y—15=0
4.61 Cho hinh binh hanh ABCD. Piém M (-3;0) la trung diém cua canh AB, diém H (0;-1) I
hinh chiéu vudng géc ctia B trén AD va diém G(%; 3} la trong tdm cua tam gidc BCD . Tim
toa dd cac diém B va D.
DH Khoi B - 14 DS: B(-2;3), D(2;0)
4.62 Trong mit phang véi hé toa dd Oxy, cho AABC ¢6 chin duong phan gic trong ctia géc A 1a
diém D(1;—1). Pudng thing AB c6 phuong trinh 3x+2y -9 =0, tiép tuyén tai A clia duong
tron ngoai tiép AABC c6 phuong trinh x+2y—7 =0. Viét phuong trinh duong thiang BC .
PH Khoi D - 14 DS: BC:x-2y-3=0
4.63 Trong mit phiang v6i hé toa dd Oxy, cho diém A(-2;5) va duong thing d: 3x—4y+1=0.
Viét phuong trinh duong thing A qua A va vudng géc v6i d . Tim toa do diém M thudc d
sao cho AM =5.
Cao ding - 14 DS: A:4x+3y-7=0; M (1;1)
4.64 Trong mat phéng véi h¢ toa dd Oxy, cho tam gidc OAB c6 dinh A va B thudc dudng théng
A:4x+3y-12=0 va diém K (6;6) la tam dudng tron bang tiép géc 0. Goi C 1 diém nam
trén A sao cho AC = AO va cdc diém C, B nam khéc phia nhau so véi diém A . Biét diém C
¢6 hoanh d6 béng % . Tim toa d0 cuia cac dinh A, B.
THPT Qudc gia (d¢ minh hoa) - 2015 DS: A(3;0), B(0;4)
4.65 Trong mat phéng véi h¢ toa do Oxy, cho AABC khdng can, ndi tiép duong tron tam 7 . Goi
H 1a hinh chiéu vudng géc ctia A trén BC, K 1a hinh chiéu vudng géc ciia B 1én Al . Gia sir
A(2;5), 1(1;2), diém B thudc dudng thang 3x+ y+5=0, dudng thang HK c6 phuong trinh
x—2y=0.Tim toa do cac diém B, C.
THPT Quéc gia (d¢ du bi) - 2015 DS: B(-2;1), C(41)
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4.66 Trong mit phang v6i hé toa dd Oxy, cho AABC vudng tai A. Goi H 1a hinh chiéu vudng géc
cia A trén BC; D la diém d6i xtmg ciia B qua H; K Ia hinh chiéu vudng géc ciia C trén
duong thing AD. Gia sit H (-5;-5), K(9;-3) va trung diém ciia canh AC thudc dudng
thing x— y+10=0. Tim toa do diém A.

THPT Quoc gia - 2015 DS: A(-15;5)

4.67 Trong mit phang vdi hé toa dd Oxy, cho tir gide ABCD ndi tiép dudng tron duong kinh BD .
Goi M, N lan luot 1a hinh chiéu vudng géc ciia A trén cdc duong thing BC, BD va P la
giao diém cua hai duong thang MN, AC . Biét dudong thaing AC c6 phuong trinh x—y—-1=0,
M (0;4), N(2;2) vahoanh do diém A nho hon 2. Tim toa d6 cdc diém P, A va B.

THPT Quéc gia - 2016 bS: P(5/2;3/2), A(0;-1), B(-14)
B - DUONG TRON

4.68 Trong mit phing v&i hé toa d0 Oxy cho dudong thing d:x—y+1=0 va dudng tron
(C):x*+y*+2x—4y=0. Tim toa do diém M thudc dudng thang d ma qua d6 ta ké dugc
hai duong thang tiép xtic véi (C) tai A va B sao cho AMB =60°.

DBI Khéi A - 02 DS: M, (3;4),M,(-3;-2)

4.69 Trong mit phing voi hé toa @6 Oxy cho hai dudng tron

(C):x*+y*—4y-5=0va (C,):x*+y*—6x+8y+16=0
Viét phuong trinh tiép tuyén chung ciia hai duong tron (C,) va (C,).
DBI Khéi B - 02 DS: d,:2x+y+3J5-2=0,d,: 2x+y—-3/5-2=0
d,:y+1=0,d,:4x-3y-9=0
4.70 Trong mit phing voi hé toa d6 Oxy cho hai dudong tron:
(C,):x*+y*=10x=0 va (C,): x*+ y> +4x-2y-20=0
@ Viét phuong trinh dudng tron di qua cc giao diém ctia (C,), (C,) va c6 tdm ndm trén
dudng thing d:x+6y—-6=0.
@ Viét phuong trinh tiép tuyén chung ctia hai dudng tron (C,) va (C,).
DB2 Khéi D - 02 DS: 1) (C):(x=12)" +(y+1)" =125
2)d, x+7y-5+2542=0,d,:x+7y-5-25J2=0
4.71 Cho duong tron: (C): x> +y>—2x—6y+6=0 vadiém M (2;4).

@ Chung t6 rang di€ém M ndm ngoai dudng tron (C).

@ Viét phuong trinh dudng thiang di qua diém M , cit dudng tron tai hai diém A va B sao
cho M Iatrung diém cia AB.
® Viét phuong trinh dudng tron ddi ximg véi dudng tron (C) qua dudng thang AB.

CD SP Ha Tinh Khéi AB - 02 DS:2) x+y-6=0 3) (x=3)"+(y-5)" =4
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4.72 Trong mit phing véi hé toa dd Oxy cho dudng tron: (C):x*+y*=9 va diém A(L;2). Hay
lap phuong trinh ciia dudng thing chira day cung cua (C) di qua A sao cho d¢ dai ddy cung
d6 ngan nhat.

CD Su pham Khoi A - 02 DS: x+2y-5=0

4.73 Trong mit phing v&i hé toa d0 Oxy cho dudong thing d:x—y-1=0 va dudng tron
(C):(x=1)"+(y—2)" =4. Viét phuong trinh duong tron (C’) déi xtng véi duong tron (C)
qua dudng thang d . Tim toa d¢ giao diém chia (C) va (C’).

DH Khéi D - 03 DS: (C):(x=3)"+y*=4; (C)n(C): A(1;0),B(3;2)

4.74 Trong mit phang véi hé toa dd Oxy cho duong thiang d:x—7y+10=0. Viét phuong trinh
dudng tron c6 tim thudc dudng thing A:2x+y=0 va tiép xdc v6i duong thing d tai diém
A(4;2).

DBI Khéi B - 03 DS: (C):(x—6)"+(y+12)" =200

4.75 Trong mit phing v&i hé toa dd0 Oxy cho dudong thing d:x—y+1=0 va dudng tron
(C):x*+y*+2x—4y=0.

@ Viét phuong trinh dudng thing vudng géc véi d va tiép xic véi (C).
@ Viét phuong trinh dudng thang song song véi d va cit (C) tai hai diém M, N sao cho do
dai MN bang 2.
® Tim toa do diém T trén d sao cho qua T ké dwoc hai duong thing tiép xiic voi (C) tai hai
diém A, B va XT\B=60°.
CP Su pham MG TW3 - 04 DS: 1) x+y-1£/10=0
2) x—y+3+242=0 3) T,(3;4), T,(-3-2)

4.76 Trong mit phiang v6i hé toa dd Oxy, cho ba diém A(L;2), B(2:4), C(31). Viét phuong trinh
duodng tron ngoai tiép tam gidc ABC .

CD KTKT Thdi Binh - 04 DS: (x=5/2)" +(y-5/2)"=5/2

4.77 Cho dudng cong (C,):x*+y* —4mx+2(m+2)y+6m>—1=0.

@ Xdc dinh m dé (C,) 1a dudng tron. Khi d6, xdc dinh toa do tm I va tinh ban kinh R ctia
(C.)-

@ Tim m dé (C,) 1a dudng trdn ¢d tim nam trén (P):y=x"-7.

CP GTVT 1 - 04 DS: I)~1<m<5 2) I(2m;—m—2), R=~-m>+4m+5 b) m=1

4.78 Trong mit phang véi hé toa dd Oxy, cho AABC vudng tai A v6i B (-3;0), C(7;0), ban kinh
duong tron ndi tiép r= 2@ —5. Tim tga d6 tdm / cda dudng tron ndi tiép AABC, biét diém
I c6 hoanh d6 duong.

CD Cong nghiép IV - 04 Bs: (1,(2+310;210-5). 1, (2-+10: 2410 -5)
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4.79

4.80

4.81

4.82

4.83

4.84

4.85

4.86

Trong mat phéng véi hé toa do Oxy, cho AABC c6 hai canh AB, AC theo tht ty ¢c6 phuong
trinh x+y-2=0 vA 2x+6y+3=0, canh BC c6 trung diém M (-1;1). Viét phuong trinh
dudng tron ngoai tiép AABC .
CD Cong nghiép HN - 04 DS: (x=1/2)" +(y+3/2)"=85/8
Trong mit phang véi hé toa do Oxy, cho diém A(2;4). Viét phuong trinh dudng trung truc d
cia doan OA, tr d6 suy ra phuong trinh duong tron (C) c6 thm [ & trén Ox va di qua 2
diém O va A (O 1a géc toa do).
CD Lurong thuee - Thuc pham - 04 DS: x+2y-5=0, (X—5)2 +y>=25
Trong mit phang véi hé toa @& Oxy cho hai diém A(2;0) va B(6;4). Viét phuong trinh
duong tron (C) tiép xdc véi truc hoanh tai diém A va khoang cich tir tAm cia (C) dén diém
B bang 5.
DH Khéi B- 05 DS: (C):(x=2)" +(y-1)"=1v(C):(x=2)" +(y-7) =49
Cho dudng tron ¢ phuong trinh (C): x>+ y* —12x—4y+36=0. Viét phuong trinh dudng
tron (C,) tiép xdc véi hai truc toa do Ox, Oy dong thoi tiép xdc ngoai véi dudmg tron (C).
DB2 Khdi A - 05 DS: (C):(x=2)" +(y-2)" =4
v(C,):(x=18) +(y—18)" =18V (C,): (x—=6)" +(y+6) =36
Trong miat phing v6i hé toa d6 Oxy cho hai duong tron (C):x*+y*=9 va
(C,):x*+y*=2x-2y-23=0. Viét phuong trinh truc dang phuong d cua hai dudng tron
(C,) va (C,). Ching minh rang néu K thudc d thi khoang céch tir K dén tam cta (C,) nho
hon khoang cdch tir K dén tam ctia (C, ).
DB2 Khoi B - 05
Cho duong tron c6 phuong trinh (C):x*+y* —4x—6y—12=0. Tim toa d6 diém M thudc
duong thing d:2x—y+3=0 sao cho MI =2R, trong d6 I la tdm vd R 13 ban kinh cua
duong tron (C).
DBI Khéi D - 05 DS: M, (—4;-5),M,(24/5;63/5)
Trong mit phang véi hé toa do Oxy cho hai diém A(0;5), B(2;3). Viét phuong trinh dudng
tron di qua hai diém A, B va c6 ban kinh R=+/10.
DB2 Khéi D - 05 DS: (C):(x+1)" +(y=2)"=10v(C,): (x=3)" +(y=6)" =10
Trong mit phang véi hé toa @ Oxy, cho diém A(3;0) va hai dudng thang d,:2x—y-2=0,
d,:x+y+3=0. Lap phuong trinh dudng thang di qua A va cat cdc duong thing d,, d, lin

luot tai cdc diém 7, J saocho A Ia trung diém cua 1J .
CP Kinh té Ky thudt CN II - 05 PS: 8x—y—24=0
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4.87 Trong mit phang véi hé toa d6 Oxy, cho AABC c6 dinh A(6;10), trong tam G(2;4), dinh B

thuoc duong thing x— y =0, dinh C thudc dudng thing 2x+y—5=0. Tim toa d6 céc dinh B

va C.

CD Xay dung II - 05 bS: B (—1;—1), C(1;3)
4.88 Trong mit phing vdi hé toa dd Oxy, cho duong thing d:3x—4y+1=0. Viét phuong trinh

cac duong thang song song voi duong thang d va cidch d mot khoang bang 1.

CD Ky thudat Cao Thang - 05 DS: 3x-4y-4=0, 3x-4y+6=0
4.89 Trong mit phing voi hé toa dd Oxy, cho diém M (-3;1) va duong tron

(C):x*+y>=2x—6y+6=0. Goi T, va T, la cdc tiép diém cua céc tiép tuyén ké tr M dén

(C). Viét phuong trinh dudng thang 7T, .

PH Khoi B - 06 BS: TT,:2x+y—-3=0
4.90 Trong mit phing véi hé toa d6 Oxy, cho dudng thing d:x—y+3=0 va dudng tron

(C):x*+y>=2x—2y+1=0. Tim toa d§ diém M nam trén d sao cho dudng tron tim M , ¢6

ban kinh gép dbi ban kinh dudng tron (C), tiép xdc ngoai véi dudng tron (C).

DH Khoi D - 06 DS: M, (1;4),M,(-2;1)
4.91 Cho dudng thing d:x—y+1-+2=0 vadiém A(-1;1). Viét phuong trinh duong tron (C) di

qua A, O vatiép xdc v6i d , v6i O 1a gbe toa do.

DBI Khéi D - 06 DS: (C):x*+y*=2y=0
4.92 Trong mit phing véi hé toa d6 Oxy, cho dudng tron (C) c6 phuong trinh

(C):x*+y>—4x+8y—-5=0.

@ Viét phuong trinh tiép tuyén cta dudng tron, biét tiép tuyén nay vudng géc véi dudng thang

x+2y=0.

@ Tim diéu kién cia m dé dudng thang x+(m—1)y+m=0 tiép xdc véi dudng tron (C).

CD KT Cao Thing - 06 DS: 1) d,,:2x—y—8+55=0 2) Khong ¢ m.
4.93 Cho duong tron (C): x> +y® —2x—4y+3=0. Lap phuong trinh duong tron (C”) dbi xtimg véi

duong tron (C) qua duong thang d:x-2=0.

CD KTKT CN II - 06 DS: (C):(x=3) " +(y-2)" =2
4.94 Trong mit phing v&i hé toa dd Oxy, cho diém A(3;0) va duong thing d c6 phuong trinh

3x—4y+16=0. Vict phuong trinh dudng tron tdm A va ti€p xic véi d .

CP Kinh 1é Cong nghé - 06 DS: (x=3)" +y* =25
4.95 Cho duong tron (C):x* +y* —2x+4y—5=0. Lap phuong trinh cic tiép tuyén véi dudng tron

(C) biét rang tiép tuyén d6 qua A(—4;3).

CD TC Hdi quan - 06 DS:d :3x+y+9=0,d,:3x+y-5=0
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4.96

4.97

4.98

4.99

4.100

4.101

4.102

4.103

4.104

Cho dudng tron (C):x*+y* —4x+2y+1=0. Lap phuong trinh céc tiép tuyén voi dudng tron
(C) biét rang tiép tuyén d6 qua A(0;3).

CD Xay dung 3 - 06 DS: d :x=0,d,:3x+4y-12=0
Trong mit phang toa dd Oxy, cho hai duong thing d :2x+y-1=0 va d,:2x-y+2=0.
Viét phuong trinh dudng tron ¢6 tim nam trén truc Ox dong thoi tiép xdc v6i hai duong thing
d vad,.

CD K thudt Y té I - 06 DS: (x+1/4)’+y>=9/20

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 A(0;2), B(-2;-2) va C(4;-2).

Goi H 1a chan duong caokéth B; M va N lan luot 1a trung diém cua cic canh AB va BC.

Viét phuong trinh dudng tron di qua cdc diem H, M , N .

PH Khoi A - 07 DS: (C):x"+y —x+y-2=0

Trong mat phing voi hé toa d0 Oxy, cho duong tron (x—1)"+(y+2)" =9 va duong thing

d:3x—4y+m=0. Tim m dé trén d c6 duy nhit mot diém P ma tir d6 c6 thé ké dugc hai

tiép tuyén PA, PB t6i (C) (A, B la céc tiép diém) sao cho tam gidc PAB déu.

DH Khéi D - 07 BS: m=19vm=-41

Cho dudng tron (C): x> +y*> —8x+6y+21=0 va dudng thang d:x+y—1=0. Xdc dinh toa

d6 céc dinh hinh vudng ABCD ngoai tiép (C) biét Ae d .

DBI Khéi B - 07 DS: A(2;-1),B(2;-5),C(6;-5),D(6;-1)
Hodc A(6;-5),B(6;-1),C(2;-1),D(2;-5)

Trong mit phang Oxy cho duong tron (C): x> +y*> =1. Duong tron (C’) tam 7(2;2) cat (C)

tai cdc diém A, B sao cho AB = V2. vidt phuong trinh duong thing AB.

DBI Khoi A - 07 DS: AB,:x+y+1=0,AB, :x+y—-1=0

Cho duong tron (C):x’+y®—2x+4y+2=0. Viét phuong trinh duong tron (C’) tam

M (5,1) biét (C) cht (C) tai céc diém A, B saocho AB=4/3.

DB2 Khéi B - 07 DS: (C):(x=5)" +(y-1)" =13,(C}): (x=5)" +(y-1)" =43

Cho diém A(2; 1) va hai duong thang d,:x—y—1=0, d,:x—2y—-6=0. Viét phuong trinh

duong tron (C) tiép xtc v6i d, tai A va c6 tim thude d, .

H¢ CD- PH SG Khéi A,B - 07 DS: (C):(x—4)" +(y+1)" =8

Trong mat phéng voi hé toa do Oxy, cho hai duong d, :3x+4y+5=0 va d,:4x-3y-5=0.

Viét phuong trinh dudng tron ¢6 tdm nam trén duong thing A:x—-6y—10=0 va tiép xic véi

hai duong thing d, va d, .

2
CB KTKT CN II - 07 DS: (C,):(x=10)" +y? :49,(c2){x_9j +(y+

70\ 49
43

43) 1849
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4.105

4.106

4.107

4.108

4.109

4.110

4.111

4.112

Trong mit phang vé&i h¢ toa @ Oxy, cho dudng tron (C):x* +y® =1. Tim cdc gid tri thyc cla
m d& trén duong thing y =m ton tai ding hai diém ma tir méi diém c6 thé ké dugc hai tiép
tuyén véi (C) sao cho géc giira hai tiép tuyén d6 bang 60°.

DB2 Khéi A - 08 DS: 2<m<-2/3v2/3<m<2
Trong mit phang véi hé toa dd Oxy, cho hai diém A(3;0), B(0;4). Ching minh rang dudng

tron ndi ti€p AOAB tiép xidc v6i dudng tron di qua trung diém cdc canh cia AOAB.
DB2 Khéi B - 08

Trong mit phing voi hé toa dd Oxy, cho dudng tron (C):(x—4)" +y> =4 va diém E(41).

Tim toa do diém M trén tryuc tung sao cho tir M ké duoc hai tiép tuyén MA, MB dén duong
tron (C) (véi A, B 1a cdc tiép diém) sao cho duong thang AB di qua diém E .

DBI Khéi D - 08 DS: M (0;4)
Cho dudng tron (C) va dudng thiang A c¢6 phuong trinh (C):x*+y’+4x+4y+6=0 va
A:x+my—-2m+3=0 (meR). Goi I 1a tdm dudng tron (C). Tim m dé A cat (C) tai hai
diém phan biét A va B sao cho dién tich AIAB 16n nhét.

PH Khéi A - 09 (NC) DS: M (0;1;-3)v M (18/35;53/35,3/35)
Trong mit phang Oxy, cho dudng tron: (C): (x—2)2 +y° :§ va hai duong thing
A:x—y=0, A,:x—7y=0. Xic dinh toa d0 tdm K va tinh ban kinh cua duong tron (C,);
biét dudng tron (C,) tiép xtic voi cdc duong thang A, A, vatim K thudc dudng tron (C).
DH Khéi B - 09 (CB) DS: K(8/54/5),R=22/5
Trong mit phang v6i hé toa dd Oxy, cho tam gidc ABC can tai A c¢6 dinh A(-1;4) va cac

dinh B, C thudc dudng thing A:x—y—4=0. Xic dinh toa do cic diém B va C, biét dién
tich tam gidc ABC bang 18.

DH Khéi B - 09 (NC) Ds: B(E;Ej,c(i;—ijvB(i;—ij,c(ﬂ;ij
272) (277 2) 2 2 ) (22

Trong mit phang véi hé toa @6 Oxy, dudng tron (C): ()c—l)2 +y>=1.Goi I 1atam cua (C).
Xdc dinh toa d6 diém M thudc (C) sao cho IMO =30°.

DH Khéi D - 09 (NC) bS: M, (3/2:3312).M,(3/2:—/3/2)

Cho hai duong thing d,:v/3x+y=0, d,:~/3x—y=0. Goi (T) la duong tron tiép xdc vdi d,

tai A, cit d, tai hai diém B va C sao cho tam gidc ABC vudng tai B. Viét phuong trinh cua
<A sz Z 1A , M \/§ NP z N A
(T), biet tam gidc ABC c6 dién tich bang - v diém A c¢6 hoanh d duong.

. 2 2
DH Khdi A - 10 (CB) BS: (T):(x+1/23) +(y+3/2)" =1
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4.113 Trong mit phing toa d Oxy, cho tam gidc ABC c6 dinh A(3;-7), tryc tim 1a H (3;-1), tim
dudng tron ngoai tiép 1a 1 (—2;0) . Xéc dinh toa d¢ dinh C, biét C ¢6 hoanh d6 duong.
DH Khéi D - 10 (CB) bs: C(-2++/65:3)
4.114 Trong mit phing toa d6 Oxy, cho duong thing A:x+y+2=0 va dudng tron
(C):x*+y*—4x-2y=0.Goi I lataim cua (C), M 1a diém thugc A. Qua M ké céc tiép
tuyén MA va MB dn (C) (A va B 1a cédc tiép diém). Tim toa do di€ém M , biét t&r gidc
MAIB c6 dién tich bang 10.
DH Khoi A - 11 (CB) DS: M (2;-4)v M (=3;1)
4.115  Trong mit phang véi hé toa do Oxy, cho (C):x*+y*—2x—4y+1=0 va dudng thing
d:4x-3y+m=0.Tim m d& d cit (C) tai hai diém A, B sao cho AIB=120°, véi I la
tam cua (C).
CD Khoi A, AL, B, D - 12 DS: m=7Tvm=-3
4.116  Trong mit phang v6i hé toa do Oxy, cho dudng thing A:x—y=0. Dudng trdon (C) c6 bén
kinh R=~/10 cét ? tai hai diém A va B sao cho AB=4+2. Tiép tuyén cua (C) tai A va B
cat nhau tai mot diém thudc tia Oy . Viét phuong trinh dudng tron (C).
DH Khéi A, Al - 13 (NC) DS: (C):(x=5)*+(y—3)"=0
4.117  Trong mit phing v&i hé toa dd Oxy, cho dudng tron (C):()c—1)2+(y—1)2 =4 va dudng
thang A:y-3=0. Tam gidc MNP c6 tryc tdm tring v6i tdm cua (C), cdc dinh N va P
thugc A, dinh M va trung diém ctia canh MN thudc (C). Tim toa do diém P .
DH Khéi D - 13 (NC) DS: P(~1:3)v P(3:3)
4.118  Cho céc dudng thang d:x+y—-3=0, A:x—y+2=0 va diém M (-1;3). Viét phuong trinh
duong tron di qua M , c6 tam thudc d, cat A tai hai diém A va B sao cho AB= 32,
CD Khéi A, ALB,D - 13 (CB) DS: (C):(x=1) +(y-2)" =5
C - ELIP
2 2
4.119 Cho Elip (E): % +f—2 =1. Xét mot hinh vudng ngoai tiép Elip (tirc 1a cdc canh ctia hinh vudng
deu tiép xuc vdi Elip). Viét phuong trinh cic canh cta hinh vudng dé.
DH Lam nghiép - 95 DS:d,: x+y+6=0,d,,:x—y*6=0
. Xy
4120  Cho Elip (E):2—5+E=1.

@ Chirng minh ring véi moi diém M e (E) tadéucé b<OM <a.

® Goi A 1a giao diém cta d : y =kx véi Elip (E). Tinh OA theo a, b, k.
L1
OA* OB’

® Goi B la diém thudc (E) sao cho OA vudng géc v6i OB . Chimg minh rang

c6 gid tri khong doi.
DH Hué - 95
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2 2
4121  Cho Elip (E):x—2+%:1, voi a>b>0.
a
@ Goi E la diém tuy ¥ thuoc (E), ching té rang b< OE <a.
@ A, B la hai diém thugc (E) sao cho OA L OB. Hay xdc dinh vi trf A, B trén (E) dé
AOAB c6 dién tich 16n nhat va nho nhét. Tim gid tri I6n nhat va nho nhét do.
PH Xay dung - 96 DS:2) S, =ab/2 & OA, OB la hai bdn truc cua (E)
S =ab’ /(a2 +b2) & OA, OB nam trén hai phan gidc thir nhat va thir 2
4122  Cho (E):9x*+25y*=225.
@® Tim toa d0 tiéu diém, tAm sai. V& (E) dua trén hinh chir nhat co so.
@ Viét phuong trinh dudng thang qua M (1;1) cat (E) tai M,, M, sao cho M Ia trung diém
MM,.
DH NN I HN - 96 DS: 1) F,(—4;0), F,(4:0), e=4/5 2) 9x—-25y+16=0
4123 Viét phuong trinh ctia (E) c6 hai titu diém F,(—/10:0), F,(v10:0) va d¢ dai truc I6n Ia
218
PH Hang hdi - 97 BS: (E):x*/18+y*/8=1
4124  Cho (E):4x*+16y> =64.
@ Tim toa do tiéu diém, tam sai. V& (E).
@ M 1a diém bét ki trén (E). Chung t6 rang ti s khoang céch tir M dén tiéu diém phai F,
va t6i duong thang y = % c6 gid tri khong doi.
DH NN I HN - 97 Bs: 1) F(-243:0), F,(2v3:0), e=~/3/2 2) MF,/ MH =+/3/2
¥ yz i ) ) q
4125  Cho Elip (E):§+7=1 va duong thing d:x—+2y+2=0. Biét d cit (E) tai hai diém
phan biét B va C. Tim toa d diém A trén (E) sao cho tam gidc ABC c6 dién tich 16n nhat.
DH Ngoai thiong - 97 bs: A(2:-2)
4.126  Cho Elip (E):4x*+9y* =36 va diém M (1;1). Lap phuong trinh duong thang qua M va cat
(E) tai hai diém M,, M, sao cho: MM, = MM, .
DH QG TpHCM - 97 DS: A, :4x+9y—13=0, A,:x—1=0
x2 y2 x2 i
4.127  Cho hai Elip (E,) :?+? =1 va (E,) :7+ y* =1. Viét phuong trinh duong tron di qua céc
giao diém cua hai Elip (E,) va (E,).
DH Mo Ha Noi - 97 DS: (E,) khong cit (E,) = khong cd dwong tron
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4.128

4.129

4.130

4.131

4.132

4.133

4.134

Cho Elip (E): —+ Y 1 voi tiéu diém F(-c;0). Tim diém M thudc (E) sao cho do dai
a

7=

FM nho nhat.

HV BCVT TPHCM - 99 DS: M (~a;0)

2 2

Cho Elip (15):)26—5+1y—6 -

@ Tim toa dd tiéu diém, cic dinh va tim tan sai cta (E).

@ Tim M thudc (E) sao cho MF, =4MF,.

BH DL Duy Tén - 00 BS: 1) A (-5;0), A,(5:0), B (0;—4), B,(0;4),
F,(=3:0), F,(3:0), e=3/5 2) M (5;0)

2
Cho Elip (E): y? =1. Hay viét phuong trinh dudng tron di qua céc giao diém ctia (E) da

x_
9
x2

cho véi Elip (E’) :E+ y'=1.

PH Nong nghiép I khéi B - 00 DS: (C):x"+y* =92/11
5 _x2 y2 5

Trong mat phang voi hé toa do Oxy, cho elip (E): E—i_? =1 va hai dudng thang

d:ax—by=0, d :bx+ay=0, véi a’+b>>0. Goi M, N 1a cdc giao diém cta d véi (E);

Goi P, Q la céc giao diém cta d” véi (E).

@ Tinh dién tich t&r gidc MPNQ theo a va b.

® Tim diéu kién dbi voi a, b dé dién tich t gide MPNQ nho nhét.

DH Y Duoc TPHCM - 01

72(a* +b* 144
DS: 1) Syypmo = ( ) 2) min S,,,, =— khi |a|=|b|
J(9a> +4b*) (42> +90*) 13
2 2
Cho hai Elip (E,) :%H? =1 va (E,): % y? —1. Viét phuong trinh duong tron di qua cdc
giao diém ctia hai Elip.
CP SPKT Vinh - 01 DS: x* +y*=12/5

2 2

Cho elip (E) :%erf =1 va dudng thang d_ :mx—y—1=0. Chimg minh rang v&i moi gi tri

cta m , dudng thang d, ludn cat (E) tai hai diém phan biét.

DBI Khéi D - 02

Cho hai diém A(4:—/3), B(2v/2:3).

@ Viét phuong trinh chinh tic cua Elip (E) diqua?2 diém A va B.

@ Xac dinh tiéu diém, tiéu cy, tAm sai cua Elip trén.
2 2

CDKTKT CNII- 04 DS:a) (E): 2—0+1y—5_1 b) F(—/5:0).F,(V5:0), 2c=25, e=1/2.
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4.135

4.136

4.137

4.138

4.139

4.140

4.141

2 2
Trong mit phang v6i hé toa dd Oxy, cho elip (E)%+yT =1 va diém C(2;0). Tim toa do

céc diém A, B thuoc (E) , biét réng hai diém A, B dbi xtrng véi nhau qua tryuc hoanh va tam

gidgc ABC Ia tam gidc déu.

PH Khoi D - 05 bsS: A(;f:ﬁj,g(i_ﬂjvA(E;_“ﬁ}l{%4\/§j

777 777 77

Lap phuong trinh chinh tic cta elip (E) c¢6 d dai truc 16n bang 4~/2 , céc dinh trén tryc nhd
v cdc tidu diém ciia (E) cling nam trén 1 dudng tron.
DBI Khéi D - 06 DS: (H):x*/18+y /4=1

2 2 2

Cho hai Elip (El):x2+1y—6:1 va (Ez):%+y§:1. Chirng minh ring (E,) va (E,) 6 bén

diém chung cling thudc mot dudng tron (C). Viét phuong trinh cta (C).

Hé CP DHSG Khoi D - 07 DS: (C):x"+y*=23/3
Trong mit phang toa d Oxy, cho elip (E):4x>+9y” =36.

@ Tim toa do céc tiéu diém cua (E).

@ Tim diém M trén (E) nhin hai tiéu diém duéi mot géc vudng.

CD Nguyén Tét Thanh - 07 bs: 1) F,(—/5:0). 5, (V5:0)
3 4 3 4 3 4 3 4
2) M| == (M, == M| == | M| ==
(FEw 5B FE(FE
Hay viét phuong trinh chinh tic cua elip (E) biét rang (E) c6 tim sai bang ?5 va hinh chit

nhit co s¢ ctia (E) ¢6 chu vi bang 20.
DH Khoi A - 08 DS: (E):x*/19+y* /14=1

2 2

Trong mit phang toa do Oxy, cho diém A(2;3) va elip (E)%+y7 =1. Goi F, va F, la cic

titu diém cta (E) (F, c6 hoanh d6 am); M 1a giao diém c6 tung do duong cua dudng thing
AF, véi (E); N la diém d6i xtng ctia F, qua M . Viét phuong trinh dudng tron ngoai tiép
tam gidc ANF,.

. 5 2
DH Khéi B - 10 (NC) Bs: (T):(x=1)"+(y-243/3) =413

2 2
Cho elip (E):%+yT:1. Tim toa d cdc diém A va B thugc (E), c6 hoanh do duong sao

cho tam gidc OAB cin tai O va c6 dién tich 16n nhat.

PH Khéi A - 11 (NC) bS: A(ﬁ;%},B(ﬁ;—%}vA(ﬁ;—%j,B([;—%}
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CAU HOI TRAC NGHIEN
§1. PHUGNG TRINH DUGNG THANG.

A - CAC KHAI NIEN CO BAN

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

[0H3-1] Tim vecto phép tuyén ctia dudng thing song song véi truc Ox .

A. (0, 1). B. (1; 0). C.(L1). D. (-1; 0).
[0H3-1] Puodng thing 12x—7y+5=0 khong di qua diém trong cdc diém nao sau?
5 17

A. (-1;-1). B.(1;1). C.|—:0]. D.|1;—|.
(1) (1) (-340] 1]

[0H3-1] Tim toa do vecto chi phuong clia dudng thang di qua 2 diém A(-3;2)va B(1; 4).
A (2 1). B. (-1 2). C. (-2 6). D. (1; 1).

x=12-5¢
y=3+6t
A. (12; 0). B. (7; 5). C. (20 9). D. (-13; 33).

[0H3-1] Cho dudng thing A :{ . Piém nao sau day nam trén A?

[0H3-21]Tim toa dd vecto chi phuong cua dudng phan gidc cua géc xOy .

A. (0;1). B. (1,0). C. (L-1). D. (L1).

[0H3-1] Tim vecto phép tuyén clia dudng thang di qua 2 diém phan biét A(a;0) va B(0;b).
A. (b;—a). B. (-b;a). C. (ba). D. (a;b).

[0H3-1] Puong thing 51x—30y+11=0 di qua diém nao sau day?

N R A

[0H3-1] Tim toa do vecto chi phuong ctia dudng thing song song véi truc Oy .

A. (0;1). B. (;1). C. (1;-D. D. (10).

[0H3-1] Tim vecto phép tuyén ciia dudng thing song song véi truc Oy .

A. (1;1). B. (1,0). C. (0;1). D. (-1;0).

[0H3-1] Tim vecto phép tuyén cia dudng thing d di qua gbc toa dd O va diém A (a;b) (voi
a, b khac khong).

A. (1;0). B. (—-a;b). C. (b;—a). D. (a;b).

[0H3-1] Tim vecto phép tuyén ciia dudng phan gidc ctua géc xOy .

A. (1;0). B. (0;1). C. (-1;D. D. (1;1).

[0H3-1] Tim toa do vecto chi phuong ctia dudng thang di qua gdc toa do va diém M (a; b).
A. (0;a+b). B. (a;b). C. (a;-D). D. (-a;b).

[0H3-1] Mot dudng thing c6 bao nhiu vecto phap tuyén? )
A. 1. B.2. C. 3. D. V6 s0.
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. . B xX= \/§ +1- \/gt " .
Cau 14. [0H3-1] Cho duong thang A: . Bi€m nao sau day khong nam trén A ?
y= 2 +1+2t
A. (12+43:42). B. (1-43:1+42). €. (11). D. (1++3:1-42).
Cau 15. [0H3-1] Mot duong théng ¢6 bao nhiéu vecto chi phuvong?
A. 1. B. 2. C. 3. D. Vb sb.

Cau 16. [0H3-1] Tim toa do vecto chi phwong ciia dudng thing song song véi truc Ox .
A. (0;-1). B. (1,1). C. (0;1). D. (1;0).

Cau 17. [0H3-2] Tim toa do vecto phép tuyén ctia dudng thiang di qua 2 diém A(-3;2) va B(L;4).
A. (4:2). B. (1;2). C.(-1;2). D. (2;-1).

Cau 18. [0H3-1] Tim toa do vecto chi phuong cia dudng thang di qua 2 diém phan biét A(a;0)
vaB(0;D).
A. (a;-b). B. (b;a). C. (a;b). D. (-b;a).

Cau 19. [0H3-1] Puong thing 2x+ y—1=0 c6 vecto phdp tuyén 1a vecto nao?
A. n=(2-1). B. n=(1;-1). C.n=(21). D. n=(-1;2).

CAu 20. [0H3-1] Puong trung tryc cia doan thing AB v6i A=(-3;2), B=(-3;3) c6 vecto phdp

tuyén la vecto nao?

A. n=(6:5). B. n=(0;1). C. n=(-3;5). D. n=(-10).
A S 1y P A \ 2 . . x=—1+2t
Cau 21. [0H3-1] Vecto nao la vecto phdp tuyén cuia dudng thang cé phuong trinh A9
y=3-11
A. n=(2-1). B. n=(-1;2). C. n=(1;-2). D. n=(1;2).
x=5 —lt
Céau 22. [0H3-2] Cho dudng thing A c¢6 phuong trinh tham s61a {~ ~ 2 . Mot vecto chi phuong
y=-3+3t
cia A cOtoadd la
1
A. (-1;6). B. (5, 3). C. (5;-3). D. (-5; 3).
Céu 23. [0H3-1] Trong cic diém sau ddy, diém nao ndm trén dudng thing A c¢6 phuong trinh tham sb
C[x=t
la .
{y =2—t
A. (1, 1). B. (0;-2). C. (1,-1). D. (-1;1).

Cau24. [0H3-1] Cho duong thing d : 3x+5y+2018=0. Trong cdc ménh dé sau, ménh dé no sai?
A. d c6 vecto phap tuyén 1a n=(3;5). B. d c6 vecto chi phuong 1a u=(5; —3).

C. d c6hésb gbc k= % D. d song song véi dudng thing 3x+5y =0
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B - PHUONG TRiNH PUONG THANG

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

[0H3-2] Viét phuong trinh tham s6 ctia dudng thiang di qua hai diém A(3;—7) va B(1;-7).
AT BTN c.i*7" . p. =377

y=7 y==T-t y=-7 y=1=Tt
[0H3-2] Cho 2 diém A(4;-1), B(1;—4). Viét phuong trinh tong qudt dudng trung tryc cua

doan thang AB.
A. x+y=0. B. x—y=1. C. x+y=1. D. x—y=0.

[0H3-1] Viét phuong trinh tham s6 ctia dudng thang di qua hai diém A(3;—-1) va B(1; 5).

A x=3+t¢ ' B. x=3—t ' C. x=1-t ' D. x=3+t¢ '
y=—1-3¢ y=—1-3¢ y=5-3¢t y=—1+3¢
[0H3-1] Viét phuong trinh tong quét cia dudng thang di qua hai diém A(3;-1) va B(L; 5).
A.3x—y+6=0. B. 3x+y—-8=0. C. —x+3y+6=0. D. 3x—y+10=0.

[0H3-3] Cho tam gidc ABC c6 A(L; 1), B(0;-2), C(4; 2). Viét phuong trinh tong quét cla
trung tuyén AM .

A. 2x+y-3=0. B. x+2y-3=0. C. x+y-2=0. D. x—y=0.

[0H3-3] Cho tam gidc ABC c¢6 A(2; —1), B(4;5), C(=3; 2). Viét phuong trinh tong quat

cua duong cao AH .
A. 3x+7y+1=0. B. 7x+3y+13=0. C. 3x +7y+13=0. D. 7x+3y—-11=0.

[0H3-3] Puong thing di qua diém M (1;2) va vudng géc voi vecto n=(2;3) c¢6 phuong trinh
chinh tic Ia
x+1 _ y+2 B x—=1 y=-2 y=2 x+1 y+2
—=. 5

A —= =—. C.x—_lz—. D.—=——.
-3 2 3 3 -2 2 3

[0H3-3] Cho hai diém A(1;—4), B(; 2). Viét phuong trinh tong quit duong trung tryc cua
doan thang AB.

A. y—1=0. B. x—4y=0. C. x-1=0. D. y+1=0.

[0H3-3] Cho tam gidc ABC c6A(l; 1), B(0;-2), C(4; 2). Viét phuong trinh tong quét cta
trung tuyén CM .

A. 3x+7y-26=0. B. 2x+3y-14=0. C. 6x-5y—-1=0. D. 5x-7y-6=0.
[0H3-2] Cho AABC c6 A(L;1), B(0;-2), C(4;2). Viét phuong trinh tong quét cia trung
tuyén BM .

A. 3x+y-2=0. B. 7x+5y+10=0. C.7x+7y+14=0. D.5x-3y+1=0.
x=15
y=6+7t
A. x+15=0. B. 6x-15y=0. C. x-15=0. D. x—y-9=0.

[0H3-2] Cho dudng thing A: { . Viét phuong trinh tong qut cia A.
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Cau 36. [0H3-3] Cho 2 diém A (L—4), B(3;2). Viét phuong trinh tong quét duong trung truc ciia doan
thing AB.
A. x+3y+1=0. B.3x+y+1=0. C.3x—y+4=0. D. x+y-1=0.
" \ 2 x=3-5t _ . < 2 e
Cau 37. [0H3-2] Cho duong thing A: Ledr” Viét phuong trinh tdng quat cua A.
y=1+at
A. 4x+5y-17=0. B. 4x+5y+17=0. C. 4x-5y+17=0. D. 4x-5y—-17=0.
Cau 38. [0H3-2] Viét phuong trinh tham sé cua duong thing di qua diém 0(0;0) va song song voi
duong thing A:3x—4y+1=0.
=4t =3¢ =3¢ =4t
AL . B.." T e 77 p.. 7.
y=1+3¢ y =4t y=—4t y=3t
Cau 39. [0H3-2] Viét phuong trinh tong quét clia dudng thang di qua hai diém A(3;-7) va B(1;-7).
A. x+y+4=0. B. y-7=0. C. x+y+6=0. D. y+7=0.
Céu 40. [0H3-2] Cho AABC c¢6 A(2;-1), B(4;5), C(-3;2). Viét phuong trinh tong quét cua dudng
cao CH .
A. x+3y-3=0. B. 2x+6y—-5=0. C.3x—y+11=0. D. x+y—-1=0.
A | 2 L N (| x=5+1 < 2 P
Cau 41. [0H3-2] Cho dudng thang d c6 phuong trinh tham so { 9_n;" Phuong trinh tong quat
y=—-2
cua d la
A. x+2y-2=0. B. x+2y+2=0. C.2x+y+1=0. D. 2x+y—-1=0.
CAu 42. [0H3-1] Viét phuong trinh tham s6 ctia dudng thing di qua 2 diém A(3;-1), B(6;-2).
=3+3t =3+3t =3+3t =—1+3¢
AL . B.!" . c. | . D. | .
y=—1+¢ y=—1-t y=—6—t y=2t
Cau 43. [0H3-1] Viét phuong trinh tong quét clia duong thang di qua 2 diém A(3;-1), B(6;-2).
A. x+y-2=0. B. x+3y=0. C.3x—y=0. D. 3x—y+10=0.
Cau 44. [0H3-2] Phuong trinh tham sé ciia duong thing A :%—% =11
=5+5¢t =5+5¢t =5-Tt =5+7t
AL . B.!" . c.| . D. " .
y=-Tt y="Tt y=>5t y=>5¢
A N 2 X = 3_5t X . 2 . )
Cau 45. [0H3-2] Cho duong thing A: R Viét phuong trinh tdng quat cua A.
y =
A. x+y—-17=0. B. y—-14=0. C. y+14=0. D. x-3=0.
Cau 46. [0H3-2] Viét phuong trinh tham sb cta dudng thang d di qua diém A(-1;2) va song song véi
duong thing A:5x—13y-31=0.
=1-13¢ =1+13¢ =—1+13¢ =1+5¢
AL . B.!" et R .
y==2+5t y==2+5t y=2+5t y=-2-13¢
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Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

[0H3-3] Viét phuong trinh tong quét cia duong thang di qua hai diém 0(0;0), M (1;-3).
A.3x+y=0. B. x-3y=0. C.3x+y+1=0. D. 3x—-y=0.

Cho hai diém A(4;7), B(7;4). Viét phuong trinh tong quit dudng trung tryc clia doan thing
AB.
A. x—y=1. B. x—y=0. C. x+y=0. D. x+y=1.

Viét phuong trinh tong quét ciia duong thang di qua diém M (1;1) va song song véi dudng
thing c6 phuong trinh (vV2 1) x+y+1=0.

A. (V2-1)x+y=0. B. x+(v2+1)y-2v2=0.

C. (V2-1)x-y+2J2-1=0. D. (vV2-1)x+y-2=0.

Phuong trinh nao dudi ddy khong phai 1a phuong trinh tham s ctia dudng thang di qua 2 diém
0(0; 0) va M (1,-3).

A x=1-2t ' B. x=1+¢ ' C. x=1—t. D. x=—t'
y=-3+6t y=-3-3t y=3t y=3t
Cho 2 diém A(1;—4), B(3;—4). Viét phuong trinh tong qudt dudng trung tryc cua doan thing

AB.
A. x+y-2=0. B. y—4=0. C. y+4=0. D. x—2=0.

Viét phuong trinh tham s6 ctia duong thang di qua hai diém A(2;-1) va B(2;5).

x=2 x=2t

A. (te R). B. (te R).
y=t =—06t
x=2+t x=1

C. (te R). D. (te R)..
y=5+6¢ y=2+6¢t

[0H3-2] Viét phuong trinh tong quét cia duong thang di qua 2 diém A(0;-5) va B(3;0).

A Z+2o1 B.-Z+2=1, c.t-2-1. D.Z-2-1.

5 3 5 3 35 5 3
[0H3-1] Viét phuong trinh tham s6 ctia dudng thang di qua 2 diém A(3;0) va B(0;-5).
A x=3+3t. B. x=3+3¢ ' C. x=3+3¢ ' D. x=3+3t.

y=-5¢t y=-5+5¢ y=-5-5¢ y=>5t

[0H3-2] Viét phuong trinh tong quét ciia duong thing di qua 2 diém A(2;-1) va B(2;5).
A. x+y-1=0. B. x-2=0. C.2x-7y+9=0. D. x+2=0.

[0H3-2] Viét phuong trinh tong quét cua dudng thang di qua diém M (0;1) va vudng géc véi
duong thing c¢6 phuong trinh (ﬁ+1)x+ (\/5 —1) y=0

A —x+(3+242) y—2=0. B. (1-v2)x+(v2+1) y+1-242 =0.

C. (1=v2)x+(V2+1) y+1=0. D. —x+(3+2v2)y-3-v2=0.
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Cau 57. [0H3-2] Viét phuong trinh tong quét clia dudng thang di qua diém 7(—1;2) va vudng géc véi
duong thiang c¢6 phuong trinh 2x—y+4=0.
A. —x+2y-5=0. B. x+2y-3=0. C. x+2y=0. D. x-2y+5=0.
Céau 58. [0H3-2] Cho AABC c6 A(2;-1), B(4;5), C(-3;2). Viét phuong trinh tong quét cua dudng
cao BH .
A. 3x+5y-37=0. B. 3x-5y-13=0. C.5x-3y-5=0. D. 3x+5y-20=0.
Cau 59. [0H3-2] Phuong trinh tham s6 ctia dudng thing A:2x—6y+23=0 Ia
x=-5+3¢ x=5-3t x=5+3t x=0.5+3
A. —£+t . B. —E+t' C. —E—t Ny=dir
' ' '
Céu 60. [0H3-1] Buong thing di qua A(=1;2), nhan n=(2;-4) lam vécto phap tuyén c6 phuong trinh
la
A. x-2y-4=0. B. x+y+4=0. C. —x+2y-4=0. D. x-2y+5=0.
Cau 61. [0H3-2] Viét phuong trinh tong quét cta duong thing di qua diém 0(0;0) va song song véi
duong thang ¢6 phuong trinh 6x—4y+1=0.
A. 4x+6y=0. B. 3x—y-1=0. C.3x-2y=0. D. 6x—4y—-1=0.
CAu 62. [0H3-2] Viét phuong trinh tham s6 ctia dudng thang d di qua diém A(-1;2) va vudng géc véi
duong thing A:2x—y+4=0.
x=—1+2t x=—1+2t x=1+2t x=t
A. . B. . C. : D. .
y=2+t y=2-t y=2-t y=4+-2t
Cau 63. [0H3-2] Cho tam gidc ABC ¢6 toa do cdc dinh 1a A(L;2), B(3;1), va C(5;4). Phuong trinh
nao sau day 1a phuong trinh dudng cao cia tam gidc vé tir A ?
A. 2x+3y-8=0. B.3x-2y-5=0. C.5x-6y+7=0. D. 3x-2y+5=0.
Cau 64. [0H3-2] Cho tam gidc ABC véi cac dinh 1a A(—1;1), B(3;7), C(3;-2), M la trung diém ctia
doan thang AB . Phuong trinh tham s cua trung tuyén CM 1a
x=3+t x=3+t x=3-t x=3+3t
A. B. C. D.
y=-—2+3t. y=-2-3t. y=4+2t. y=-"2+4t.
A < A o . 2 x=5+t p <
Cau 65. [0H3-2] Cho phuong trinh tham so cta duong thang d :{ 9_2 Trong céc phuong trinh
y=-9-2t.
sau, phuong trinh nao 1a phuong trinh tong quét cta d ?
A. 2x+y—-1=0. B. 2x+3y+1=0. C. x+2y+2=0. D. x+2y-2=0
Céu 66. [0H3-2] Duong thing di qua diém M (1;0) va song song véi duong thing d :4x+2y+1=0 ¢c6
phuong trinh tong quat 1a
A. 4x+2y+3=0. B. 2x+y+4=0. C.2x+y-2=0. D. x-2y+3=0.
Cau 67. [0H3-2] Phuong trinh nao la phurong trinh tham s6 ctia dudng thang x—y+3=07?
x=t x=3 x=2+t x=t
A. B. C. D.
y=3+1. y=t. y=1+t. y=3-t.
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Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

[0H3-3] Lap phuong trinh dudng thang A song song véi duong thing d:3x—2y+12=0 va
cit Ox, Oy lan Iuot tai A, B sao cho AB= \/B , ta duoc mot Kkét qua la
A. 3x-2y+12=0. B.3x-2y-12=0. C.6x—-4y-12=0. D.3x-4y-6=0.

[0H3-2] Dudng thang di qua diém M (1; 2) va song song véi dudng thang d: 4x+2y+1=0

¢6 phuong trinh téng quat 1a
A. 4x+2y+3=0. B. 2x+y+4=0. C.2x+y—-4=0. D. x-2y+3=0.

[0H3-3] Duong thang di qua hai diém A(L;1), B(2;2) c6 phuong trinh tham s6 1
A x=1+t ' B. x=1+t ' C. x=2+2t' D. x=t.
y=2+2t y=1+2t y=1+t¢ y=t

[0H3-1] Phuong trinh tham s ctia duong thing qua M (-2;3) va song song v6i duong thing

x=17 _ y+5 N
-1 5
A x=—2—t' B. x=5-2t ' C. x=—t' D. x=3+5t'
y=3+5t y=—1+3t y =5t y=—2—t
[0H3-1] Viét phuong trinh dudng thing di qua M (,2) va song song voi dudng thiang
2x+3y—-12=0.
A. 2x+3y—-8=0. B. 2x+3y+8=0. C.4x+6y+1=0. D. 4x-3y—-8=0.

C - VI TRI TUONG POI

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

[0H3-2] Cho bon diém A(0;2), B(-1;1), C(3;5), D(=3;-1). Xac dinh vi trf twong ddi cua
hai duong thang AB va CD.

A. Song song. B. Vuong géc nhau.  C. Cit nhau. D. Trung nhau.
. _ I . 2 x=4+2t
[0H3-2] Xdc dinh vi tri twong doi cua 2 duong thang A, :q va A, :3x+2y-14=0.
A. Trung nhau. B. Cit nhau nhung khong vudng géc.
C. Song song nhau. D. Vudng goc nhau.
[0H3-2] Cho hai duong thang A, :11x—12y+1=0va A,:12x+11y+9=0. Khi d6 hai dudong
thang nay )
A. Vudng gbc véi nhau. B. Cat nhau nhung khong vudng goc.
C. Trung nhau. D. Song song v&i nhau.
. . L. . . 2 . x=4+2t
[0H3-2] X4c dinh vi trf tuong doi cuia 2 duong thang A, :Sx+2y—-14=0 va A,: 1—5°
y=1-2
A. Cit nhau nhung khéng vudng géc. B. Vudng gbc nhau.
C. Trung nhau. D. Song song v&i nhau.
[0H3-3] V&i gid tri ndo cta m thi 2 dudng thing sau diy vudng géc?
x=1+(m*+1)t x=2-3¢'
A va A, : -
y:2—ml‘ y:1—4mt
A. m=14/3. B. m=—/3. C. m=43. D. Khoéng c6 m.
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Cau 78. [0H3-2] Xdc dinh vi tri twong di ciia 2 dudng thiang sau day:
A (V3+1)x+y—1=0 va Ax: 2x+(v3-1) y+1-3 =0.
A. Song song. B. Trung nhau. C. Vuong géc nhau.  D. Cit nhau.

Cau79. [0H3-2] Cho hai dudng thing A, ;%—% =1 va A,:3x+4y—10=0. Khi d6 hai duong thing

nay:
A. Cit nhau nhung khong vudng géc. B. Vudng gbc véi nhau.
C. Song song véi nhau. D. Trung nhau.

Céau 80. [0H3-2] Tim toa do giao diém cua 2 duong thing sau day:

x=22+2
A va A, :2x+3y-19=0.
y=55+5¢
A. (2 5). B. (10; 25). C. (5; 3). D. (-1; 7).

Cau 81. [0H3-3] Cho 4 diémA(l; 2), B(-L 4), C(2;2), D(-3; 2). Tim toa do giao diém cua 2

duong thing AB va CD.

A. (1; 2). B. (5;-5). C. (3;-2). D. (0;-1).
Cau 82. [0H3-1] Xdc dinh vj tri twong ddi ciia 2 dudng thang sau day:

A x=2y+1=0va A,:-3x+6y-10=0.

A. Song song. B. Trung nhau. C. Vuong géc nhau.  D. Cit nhau.

Cau 83. [0H3-3] Vi gid tri nao ctia m hai dudng thing sau day vuéng géc nhau?
A imx+y—-19=0 va A, :(m-1)x+(m+1) y-20=0.

A. Moi m. B.m=2. C. Khong c6 m. D. m=+1.
A , . ., Lo N 2 x=-3+4¢ . X:1—2t,
Cau 84. [0H3-1] X4c dinh vi trf twong doi cia 2 duong thing A, : va A, : -
y=2-6t y=4+3t
A. Song song nhau. B. Trung nhau.
C. Vudng goéc nhau. D. Cat nhau nhung khong vudng goc.

Cau 85. [0H3-3] Xdc dinh vi tri twong d6i ctia 2 dudng thing:

. x=4+t
A Tx+2y-1=0va A,: :
y=1-5¢
A. Song song nhau. B. Trung nhau.
C. Vudng goéc nhau. D. Cat nhau nhung khong vudng goc.

Cau 86. [0H3-3] Vi gi tri nao cia m hai duong thing sau day song song?
A :2x+(m’ +1)y=50=0 va A, :mx+y—100=0.
A. m=-1. B. Khong c6 m. C. m=1. D. m=0.
Cau 87. [0H3-3] Vi gid tri nao cta m hai duong thing sau day song song?

x=8+(m+Dt
A va A, :mx+6y—-76=0.
y=10—¢
m=2
A. m=-3. B.m=2. C{ al D. Khong m nao.
m=—
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Cau 88. [0H3-1] Xdc dinh vj tri twong ddi ciia 2 dudng thang sau day:
X

y N
A, :5_521 va A, :6x-2y—-8=0.
A. Cit nhau. B. Vudng géc nhau.  C. Trung nhau. D. Song song.
Cau 89. [0H3-3] Vi gid tri nao ctia m hai duong thing sau day song song?
A :2x+(m’ +1)y=3=0 va A, :x+my—100=0.
A.m=2. B. m=1hoic m=2. C.m=1hodac m=0. D. m=1.
Cau 90. [0H3-3] Tim tat ca céc gid tri cua tham s6 m @é hai duodng théng A B3mx+2y+6=0 va
Ay :(m*+ 2)x+ 2my—6=0 song song v&i nhau.
A. m=-1 hodc m=1. B.m=1. C.m=-1vam=1. D.Khongcé m.
Cau 91. [0H3-2] Cho 4 diém A(-31), B(-9;-3), C(-6;0), D(—2;4). Tim toa d§ giao diém cua 2
duong thing AB va CD.
A. (-6;-1). B. (-9;3). C. (-9;-3). D. (0;4).
Cau 92. [0H3-1] Tim toa d6 giao diém cua duong thing A:4x—3y—26=0 va duong
thingd :3x+4y—-7=0.
A. (5:2). B. Khong c6 giao diém.
C. (2;-6). D. (5-2).
Cau 93. [0H3-2] Vi gid tri nao cia m hai duong thang sau day cat nhau?
A :2x=3my+10=0 va A, :mx+4y+1=0.
A. 1<m<10. B. m=1. C. Khong c¢6 m . D. Moi m.

Céu 94. [0H3-3]Phin dudng thing A ;%4% =1 nim trong géc xOy c6 do dai bing bao nhiéu?

A.7. B. /5. C. 12. D. 5.

Cau 95. [0H3-2] Vi gid tri nao ctia m hai dudng thing sau ddy tring nhau?
R x=2+2t

A 2x=3y+m=0 va A,:
y=14+mt

A. Khong c6 m. B. m=-3. C.mz%. D. m=1.

Cau 96. [0H3-3] Vi gid tri nao cta m thi 2 dudng thing sau dy vudng géc?
A :(2m—-1)x+my—10=0 va A, :3x+2y+6=0

A. m=0. B. Khong m nao. C.m=2. D.m:%
R . T 5 x=1+2t x=1+4¢
Cau 97. [0H3-2] Tim toa d6 giao diém cua hai duong thing A, : va A, : ,-
y=T7+5t y=-6-3t
A. (1,7). B. (1;-3). C. (31). D. (-3;-3).
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3 9 o
X = 3+EI X = 5+9I
Cau 98. [0H3-2] Xdc dinh vi trf twong ddi ctia 2 duong thang A, : A va A, X
=—1+—t =—+8¢
R ’73
A. Song song nhau. B. Cit nhau. C. Vudng géc nhau.  D. Trung nhau.
Cau 99. [0H3-3] Duong théng A:5x+3y=15 tao véi cic truc toa d0 mot tam gidc cé dién tich béng
bao nhiéu?
A. 3. B. 15. C.17,5. D.5.
R . T 5 x=-3+4t x=1+4¢
Cau 100. [0H3-3] Tim toa do giao diém cua hai duong thing A, : 5t -
y=2+5t y=7-5t
A. (51). B. (1,7). C. (-3;2). D. (1;,-3).
Céu 101. [0H3-2] Tim toa d6 giao diém cua dudng thing A:15x—2y—10=0 va truc tung Oy .
2
A. (-5;0). B. (0;5). C. (0;-5). D. (ESJ
R . L 5 x=22+2t x=12+4¢
Cau 102. [0H3-2] Tim toa do giao diém cua hai duong thing A, : va A, : ,-
y=55+5¢ y=-15-5¢
A. (6;5). B. (0;0). C. (-5:4). D. (2;5).
Céu 103. [0H3-1] Tim toa d6 giao diém cua hai dudng thing A:7x—3y+16=0 va d:x+10=0.
A. (10;-18). B. (10;18). C. (-10;18). D. (-10;-18).
Cau 104. [0H3-3] Cho 4 diém A(4;-3), B(5:1), C(2;3), D(—2;2). Xéac dinh vi tri twong ddi cua hai
duong thing AB va CD. )
A. Trung nhau. B. Cat nhau. C. Song song. D. Vudng géc nhau.
. o . s X3+\/_t\ x=2+-/3
Cau 105. [0H3-2] X4c dinh vi trf twong doi cia 2 duong thang A, : aA,:
y=1- V3t y= 1420
A. Song song nhau. B. Cit nhau nhung khong vudng géc.
C. Trung nhau. D. Vudng géc nhau.
Cau 106. [0H3-2] Xdc dinh vi tri twong ddi cta 2 duong thing:
\/_+(\/_+\/_) x:—\/§+t’
A va A, ,
y=—2+(3-42)i y=—3+(5-2v6)t
A. Trung nhau. B. Cit nhau. C. Song song. D. Vudng goc.
) o o . . . x=2+5t . x=7+5¢
Cau 107. Xdc dinh vi trf tuong doi ciia 2 duong thang: A, : (te R) vaA,: ,(te R).
=3-6¢ y=-3+6¢
A. Trung nhau. B. Vudng gbc nhau.
C. Cat nhau nhung khdng vudng gébc. D. Song song nhau.
Cau 108. Hai dudng thing A, : +-L4+2=0 va A, 25— 2(V2+1)y=01a
| NI
A. Cit nhau nhung khong vudng goc. B. Song song v6i nhau.
C. Vuodng goéc nhau. D. Trung nhau.
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Cau 109. Tim toa do giao diém cua dudng thing A:5x—2y+12=0 va dudng thing d: y+1=0.

A. (,-2). B. (-1 3). C. (_—14;—1). D. (—I;Ej.
5 5
Cau 110. Cho 4diém A(0;1), B(2;1), C(0;1), D(3;1). Xdc dinh vi trf twong ddi ciia hai duong thang
AB va CD. )
A. Song song. B. Trung nhau. C. Cat nhau. D. Vudng géc nhau.
, x=m+2t x=1+mt
Cau 111. Véi gid tri nao cua m hai duong thang A, : 5 va A, trung nhau?
y=1+(m +1)t y=m+t
A. Khong c6 m. B.ng. C. m=-1. D. m=-3.

Cau 112. Cho 4 diém A(1;2), B(4;0), C(1;-3), D(7;=7). Xéc dinh vi tri twong d6i ciia hai dudng
thing AB va CD.

A. Trung nhau. B. Song song.
C. Cat nhau nhung khdng vudng gébc. D. Vudng géc nhau.
A L s R s o2 s 2 N x=2-3t N p
Cau 113. Xdic dinh m dé hai duong thang A, :2x-3y+4=0 va A,: —4 (te R) vudng gbc.
y=1-amt
A.m:—l. B.mzig. C.mzl. D.mz—g.
2 8 2 8
Céu 114. Tim toa do giao diém cua dudng thing A:5x+2y—10=0 va truc hoanh Ox.
A. (0;2). B. (0;5). C. (2,0). D. (-2;0).
A L s co I \ 2 x=4+t1 N
Cau 115. Xdc dinh vi tri tuong doi cuia 2 duong thing A, :{ {_s (teR) va A,:2x-10y+15=0.
y=1-21
A. Vudng goc nhau. B. Song song nhau.
C. Cat nhau nhung khdng vudng gdbc. D. Trung nhau.

Cau 116. [0H3-2] Tim tat ca gid trj m dé hai dudng thing sau diy song song.
x=8—(m+1)t
A
y=10+¢
A. Khoéng c6 m nao. B. m=-2. C. m=1hoacm=-2. D. m=1.

va A, mx—2y—14=0.

Cau 117. [0H3-1] X4c dinh vj tri twong ddi cta hai dudng thing sau:

x=1+(1-2)r {x:\/z+(\/§—2)t'
A va A, :
y=2+\/§t y=1+2r
A. Vuodng goc. B. Song song. C. Cit nhau. D. Trung nhau.

Cau 118. [0H3-2] Vi gi tri nao cia m hai duong thang sau dy tring nhau?
A :3x+4y—-1=0 va A, :(2m—1)x+m2y+1:O

A.m=2. B. Moi m . C. Khdéng c6 m. D. m=+1.
. o o o x=3+J2t x=2+43¢
Cau 119. [0H3-1] X4c dinh vi trf twong doi cia 2 duong thang A, : va A, :
y=1-+31 y=1-2r
A. Song song nhau. B. Cit nhau nhung khong vudng géc.
C. Vuong goéc nhau. D. Trung nhau.
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Cau 120. [0H3-3] Cho 4 diémA(O;—Z), B(-10), C(0;-4), D(-2;0). Tim toa d§ giao diém cua 2
duong thing AB va CD
1 .
A. (1;-4). B. (—% ; Ej C. (-2:;2). D. Khong c6 giao diem
Cau 121. [0H3-3] Cho hai duong thang d,:2x+y+4—m=0 va d,:(m+3)x+y—2m—1=0. d, song
song voi d, khi:
A. m=1. B. m=—1. C.m=2. D. m=3.
Cau 122. [0H3-1] Pudng thing nao khong cit duong thing 2x+3y—1=07?
A. 2x+3y+1=0. B. x-2y+5=0. C.2x-3y+3=0. D. 4x-6y-2=0.
Céu 123. [0H3-1] Pudng thing nao song song v6i dudng thing x—3y+4=07?
=1+t =1-t =1-3¢ =1-
AL . B.!" . c. | . p. =17
y=2+3t y=2+3t y=2+t. y=2-t.
A \ 2 N A fe oA s 2 x=3—1
Cau 124. [0H3-2] Buong thang nao sau diy song song vdi duong thang d :{ 142 ?
y=—1+21f
=5+t =5+t =5-2¢ =5+4
AT B.. T c. | . p, ¥
y=2t y=-2t y=t y=2t
Céu 125. [0H3-2] Puodng thing nao sau diy vudng géc véi dudng thing d :4x—3y+1=0?
=4¢ =4¢ =—4¢ =8
AL . B.!" . c. | . p. ¥ 7%
y=-3-3t y=-3+3t y=-3-3t y=-3+t
A \ 2 N A N C e oa s 2 x=—l+1
Cau 126. [0H3-2] Buong thang nao sau diay vuong géc véi dudng thang d : 142 ?
y=—1+21f
A. 2x+y+1=0. B. x+2y+1=0. C. 4x—2y+1=0. D.XT“:yT”.
Cau 127. [0H3-2] Cho 3 dudng thang d,:2x+y+1=0, d,:x+2y+2=0, d,:3x—6y—5=0. Chon
khing dinh diing:
A.d 1d,. B.d, 1d,. C.d L1ld,. D. d,/ld,.
Cau 128. [0H3-2] V6i gid tri ndo cua m thi hai duong thiang sau song song nhau:
d,:2x+(m*+1) y=50=0 va d, : x+my—100=0.
A. m=1. B. m=-1. C. me@. D. m=1va m=-1.
Cau 129. [0H3-2] Véi gid tri ndo cua m thi hai duong thing d :(2m-1)x+my—-10=0 va
d,:3x+2y+6=0 vudng géc nhau?
A.mzé. B.mz—g. C.mzé. D. me Q.
2 8 8
Cau 130. [0H3-2] V6i gid tri nao cia m thi hai duong thang phan biét d,:3mx+2y+6=0va
d, :(m2+2)x+2my+6=OCét nhau?
A. m#—1. B. m#1. C. meR. D. m#1 va m#-1.
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Cau 131. [0H3-2] Cho tam gidc AABC, véi A(L;3), B(-24), C(-L5) va dudng thing
d:2x—3y+6=0.Duong thing d cit canh ndo cia tam gidc AABC ?

A. Canh AB. B. Canh BC. C.Canh AC. D. Khong canh nao.
Cau 132. [0H3-3] Véi gid tri nao cua m thi hai duong thing d :2x-3y—-10=0va
=2-3t
d,: * vudng géc nhau?
y=1-4mt
A.m:l. B.ng. C.mz—g. D. me Q.
2 8 8

Cau 133. [0H3-3] Cho ba duong thing d,:3x—2y+5=0, d,:2x+4y-7=0, d,:3x+4y—-1=0.
Phuong trinh dudng thang d di qua giao diém cua d, va d,, va song song véi d; la
A. 24x+32y-53=0. B.24x+32y+53=0. C. 32x-24y+53=0. D. 32x-24y-53=0.

e

D - GOC

" . e R B . x=2+t
Cau 134. [0H3-2] Tim cosin goc gilta 2 duong thang A, :10x+5y—1=0va A, : Iy
y=1I-1

A.i. B.—\/E. C. —SJE. D.é.

10 10 10 5
Céu 135. [0H3-2] Tim cosin géc giira 2 dudng thing A tx+2y —J2=0va A, ix—y=0.
A'1£00' B. 2. C.g. D.?.

Céu 136. [0H3-2] Cip duong thing nao dudi ddy 1a phan gidc cua cdc géc hop boi 2 dudng thing
A 3x+4y+1=0va A, :x-2y+4=0.

A. (3+35)x+2(2-45) y+1+475 =0 va (3-5 ) x

B. (3+5)x+2(2-45) y+1+4J5=0 va (3-+5)

C. (3-5)x+2(2-5) y+1+4J5=0 va (3+5)x+
)

+

|9

Céu 137. [0H3-1] Tim cosin géc giira 2 dudng thiang A :2x+3y—-10=0va A, :2x-3y+4=0.

7 6 5
A, —. B. —. C. J13. D. —.
13 13 \/_ 13
Cau 138. [0H3-1] Tim géc giira 2 duong thing A, :2x+2/3y+/5=0 va A,: y—/6=0
A. 60°. B. 125°. C. 145°. D. 30°.
A . . xX=2+t . _ . .
Cau 139. [0H3-2] Cho duong thiang d : 3 va 2 diém A(1;2), B(-2;m). Pinh m dé A va B
y=1=2
nam ciing phia ddi voi d .
A. m<13. B. m>13. C. m>13. D. m=13.

Céu 140. [0H3-1] Tim géc giira hai duong thing A, :x+\/§y =0va A, :x+10=0.
A. 45°. B. 125° C. 30°. D. 60°.
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Céu 141. [0H3-1] Tim géc giira 2 dudng thing A :2x—y—-10=0va A, : x-3y+9=0
A. 60°. B. 0°. C. 90° D. 45°.
Cau 142. [0H3-1] Tim cosin géc giira 2 dudng thang A :x+2y-T7=0va A, :2x—4y+9=0.
A2 B. = c.l D. =
5 J5 5 J5
CAu 143. [0H3-2] Cho doan thing AB v6i A(1;2), B(-3;4) va dudng thing d:4x—7y+m=0. Dinh
m dé d va doan thing AB c6 diém chung.
A. 10<m<40. B. m>40 hoac m<10.
C. m>40. D. m<10.
Céu 144. [0H3-2] Cap duong thing nao dudi ddy 1a phan gidc ciia cic géc hop boi dudng thing
A:x+ y=0 vatruc hoanh Ox.
A. (14+2)x+y=0; x—(1-v2) y=0. B. (1+42)x+y=0; x+(1-v2) y=0.
C. (1++2)x-y=0; x+(1-v2) y=0. D. x+(1++42) y=0; x+(1-v2)y=0.
A 2 iy NP 2 x=m+2 .
Céu 145. [0H3-2] Cho doan thang AB véi A(1;2), B(—3;4) va duong thang d: X . Pinh m
y=1-1
dé d cit doan thing AB .
A. m<3. B. m=3. C. m>3. D. m>3.
A . L en . 2 N x=10-6¢
Cau 146. [0H3-1] Tim gbc giita 2 duong thang A, :6x—-5y+15=0va A, : 145
y=1+2¢
A. 90°. B. 60°. C.0° D. 45°.
A . . . e~ \ 2 N x=15+12¢
Cau 147. [0H3-1] Tim cosin goc gitta 2 duong thang A, :3x+4y+1=0va A, : 145
y=1+3t
JVELS B. & c. 2. D. 2.
65 13 65 65
Céu 148. [0H3-1] Cip duong thing nao dudi ddy 1a phan gidc cta cdc géc hop boi 2 dudng thing
Aix+2y-3=0va A, :2x—y+3=0.
A. 3x+y=0 va x-3y=0. B.3x+y=0 va x+3y—-6=0.
C.3x+y=0va —x+3y-6=0. D. 3x+y+6=0 va x—-3y—-6=0.
CAu 149. [0H3-1] Cho dudng thang d:3x+4y—5=0 va 2 diém A(1;3), B(2;m). Dinh m d&& A va B
nam cling phia ddi voi d .
A. m<O0. B.m>—l. C. m>-1. D.mz—l.
4 4
Céu 150. [0H3-2] Cho AABC vé6i A(1;3), B(-2;4), C(-1;5) va dudng thing d:2x—3y+6=0.
Pudng thing d cét canh nao cia AABC ?
A. Canh AC. B. Khong canh nao.  C. Canh AB. D. Canh BC.
Cau 151. [0H3-2] Cho (d,): x+2y+4=0 va (d,):2x—y+6=0. S do ciia géc giita hai duong thang
d, vad, la
A. 30°. B. 60°. C. 45°. D. 90°.
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Céu 152. [0H3-2] Cho hai duong thing A ix+2y+4=0va A,:y=-10. Gbc gilta A, va A, 1a
A. 45°. B. 30°. C. 63°26’. D. 26°33".
Cau 153. [0H3-3] G6c gitra hai duong théng A x+2y+4=0, A, :x-3y+6=0 c6 $6 do Ia
A. 30°. B. 60°. C. 45°. D. 23°12".

Céu 154. [0H3-3] Cho hai duong thing A, :x—y=0, A, :/3x—y =0, géc gita A, vd A, ¢6 6 do 1

A. 30°. B. 15°. C. 45°. D. 75°.
Cau 155. [0H3-1] Géc giita hai duong thang 2x—3y+1=0 va x+4y=0 Ia
A. 47°44" B. 132°16’. C. 26°34". D. 153°26".
A ] L 2 S x=15+12
Cau 156. [0H3-1] Tinh cosin gbc gifta hai duong thang d, :3x+4y—-1=0 va d, : 145
y=1+31
A.ﬁ. B.@. C.ﬁ. D. —ﬁ.
65 65 65 65
Cau 157. [0H3-2] Cho d:\/gx—y=0 vad mx+y—1=0.Tim m & cos(d,d')z%.
A m=12. B. m=0.
C. m=—/3 hay m=0. D. m=4/3 hay m=0.

Céu 158. [0H3-4] Cho hai duong thing d, :2x—5y—4=0,. Phuong trinh duong thang d, qua M (0;2)

. Y/ . X . .
va tao voi d;, mot géc Z cat d, :2x—5y—4=0 tai N(a;b) biét b<0.Gidtricia a—2b:

" 29° T 297 "29° "29°
E - KHOANG CACH - HINH CHIEU - POI XUNG

66 g 14 .5 b, 82

, , , =2+3t
Cau 159. [0H3-2] Khoang cich tir diem M (15;1) dén duong thang A: {x . Ia
y =
1 16
A A5, B. —. C. 10, D. —.
J10 J5
CAu 160. [0H3-1] Khoang cich tir diém M (5;—1) dén dudng thang A:3x+2y+13=0 1a
13 28
A —. B.2. c.—. D. 2./13.
N J13
Cau 161. [0H3-2] Cho A(0;1), B(12;5), C(3;2). Pudng thing nao sau ddy cich déu 3 diém A, B,
Cc?
AL A Sx—y+1=0. B. A :x—-y-10=0. C.A,:x+y=0. D. A, :x-3y+4=0.

Cau 162. [0H3-3] Tim toa d0 diém M nam trén truc Ox va cich déu hai duong thing
A :3x-2y—-6=0 va A, :3x-2y+3=0

A. (0:42). B. G;oj. C. (1:0). D. (v2:0).

GV. Tran QuocNghia 409



CHUONG 3:

PHUONG PHAP TQA B) TRONG MAT PHANG TAI LIEU HOC TAP TOAN 10

Cau 163.

Cau 164.

Cau 165.

Cau 166.

[0H3-1] Cho hai diém A(1;—-2), B(~1;2). Pudng trung tryc cua doan thaing AB c6 phuong

trinh 1a

A. 2x+y=0. B. x+2y=0. C. x-2y=0. D. x-2y+1=0.
) . NP Z N 2 x=1+3¢ N
[0H3-2] Khoang céch tir diém M (2;0) dén dudng thing A: Ia
y=2+4t¢

A.g. B. 2. C.ﬂ. D.ﬁ.

5 J5 2
[0H3-1] Khoang cdch tir diém M (1;—1) dén dudng thang A:3x—4y—17=0 la
A.g. B.ﬂ. C.2. D. —E.

5 J5 5

[0H3-2] Cho duong thing A:21x—11y—10=0. Trong cic diém M (21;-3), N(0;4),
P(-19;5), O(1;5) diém ndo gin dudng thang A nhit?

A. N. B. M. C.P. D. Q.
CAu 167. [0H3-2] Tinh dién tich AABC biét A(2;-1), B(1;2), C(2;-4).
3 3
A3 B. ——. C. 3. D. =,
J37 2
CAu 168. [0H3-1] Khoang cdch tir diém M (—1;1) dén dudng thang A:3x—4y—3=0 bang bao nhiéu?
A2 B.2. c.l D. L.
5 5 25
CAu 169. [0H3-3] Cho dudng thang di qua hai diém A(3;-1), B(0;3). Tim toa d6 diém M thudc Ox
sao cho khoang cach tir M t&i duong thaing AB bang 1.
A. (1;0) hoge (3,5:0). B. (V13;0). C. (40). D. (2:0).
CAu 170. [0H3-3] Cho dudng thang di qua hai diém A(3;0), B(0;—4). Tim toa do diém M thudc Oy
sao cho dién tich AMAB bang 6.
A. (0;1). B. (0;0) hoac (0;-8). C. (1;0). D. (0;8).
Cau 171. [0H3-2] Cho dudng thang A:7x+10y—15=0. Trong cdc diém M (1;-3), N(0;4), P(8;0),
O(1;5) diém ndo cdch xa dudng thang A nhit?
A M. B. P. C.0. D. N.
CAu 172. [0H3-1] Khodng céch tir diém M (0;1) dén duong thing A:5x—12y—1=0 la
AL B. 2. C. 1. D. /13,
13 17
CAu 173. [0H3-2] Cho 2 diém A(2;3), B(1;4). Dudng thang nio sau dy cdch déu 2 diém A, B?
A. x+y-1=0. B. x+2y=0. C.2x-2y+10=0. D. x—y+100=0.
Cau 174. [0H3-2] Khoang céch giita 2 duong thing A Tx+y=3=0va A :Tx+y+12=0
A ——. B.9. .32 D. 15.
J50 2
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Cau 175.

Cau 176.

Cau 177.

Cau 178.

Cau 179.

Cau 180.

Cau 181.

Cau 182.

Cau 183.

Cau 184.

Cau 185.

Cau 186.

[0H3-1] Khoang céch tir diém M (1;3) dén duong thing A:3x+y+4=0 la

A. 2410. B. J10. C.%. D. 1.
[0H3-3] Cho AABC véi A(1;2), B(0;3), C(4;0). Chiéu cao tam gidc ing v6i canh BC bang
A3, B. L. c L. D. >

5 25 5

[0H3-1] Tim khoang céch tir diém 0(0:0) t6i dudng thing A: %J% =1.

1 48 1
A. 4,8. B. —. C. —. D. —.
10 V14 14
[0H3-3] Tinh dién tich AABC biét A(3;2), B(0;1), C(L;5).
11 11
A —. B. V17. C. 11, D. —.
J17 2

[0H3-2] Cho dudng thing di qua 2 diém A(1;2), B(4;6), tim toa do diém M thudc Oy sao
cho dién tich AMAB bang 1.

A. (0;1). B. (0;0) va (O;gj. C. (0;2). D. (1,0).
[0H3-2] Tinh dién tich AABC biét A(3;—4), B(1;5), C(3;1).

A. 10. B.S5. C. V26. D. 2J5.
[0H3-2] Khoang céch giita 2 duong thang A, :3x—4y=0 va A, :6x—8y—101=0.
A. 1,01. B. V101 . C. 10,1. D. 101.

[0H3-2] Ban kinh cta dudng tron tim 1(0;—2) tiép xtc voi duong thang A:3x—-4y—23=0 la

A. 15. B.5. C.%. D. 3.

[0H3-3] Khoang cach tir diém M (0;3) dén duong thang A: xcosa+ ysina +3 (2—-sina) =0 la

A. 6. B. 6. C. 3sina. D. >

sina+cos
[0H3-1]Khoang cdch tir diém O (0;0) dén duong thing 4x—3y—5=0 bang bao nhiéu?
A. 0. B. 1. C. -5. D.é.

[0H3-3] DPudng tron (C) 6 tim 1a géc 0(0;0) va tiép xic véi duodng
thang A:8x+6y+100=0. Bén kinh ctia dudng tron (C) 1a

A. 4. B. 6. C.8. D. 10.
[0H3-1] Cong thirc tinh khoang céch tir diém M (x,;y,) dén duong thang A:ax+by+c=0 I
+by,+c |ax0+by0|
A d(M;A)=Z0 20 "C B. d(M;A) =720
Va' +b° a’+b’
C. dW;AFM- D. d(M;A):M
a +b 'a2+b2
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CHUONG 3: PHUONG PHAP TOA B) TRONG MAT PHANG TAI LIEU HOC TAP TOAN 10
CAu 187. [0H3-1] Khoang cdch tir diém M (2 ;—1) dén dudng thang A: 3x-4y-12=0 la
A. 2 B. —2. C. i D. 2..
5 5 J5
. , =2t
Céu 188. [0H3-2] Khoang cdch tir M (4;—-5) dén duong thang {x b3 1a
y=2+
AR g, 213 c. 813 D. 2413
13 13 13
Cau 189. [0H3-2] Khoang céch giita 2 duong thing A :Tx+y-3=0va A,:7x+y+12=01a
A —— B.9. e 32 D. 15.
750 2
Cau 190. [0H3-2] Cho M (2;-3) va A:3x+4y-m=0.Tim m dé d(M,A)=2:
A. m=—-4 hay m=-16. B. m=—4 hay m=16.
C. m=4 hay m=16. D. m=4 hay m=-16.
Cau 191. [0H3-2] Cho duong thing d:7x+10y—15=0 va cic diém M (1;-3), N(0;4), P(8;0),
O(1;5) . Diém nao céch xa dudng thang d nhét?
A. M. B.N. C. P. D. Q.
Cau 192. [0H3-2] Khoang céch tir diém A(1;2) dén duong thing d :%J% =11
Al B. 2 c. 2. D. -
5 5 5 240
Céu 193. [0H3-2] Cho tam gidc ABC c6 A(1;2), B(0;3), C(4;0). Tinh chidu cao cua tam gidc mg
véi canh BC.
A.z. B.l. C.2. D.E.
5 5 5
CAu 194. [0H3-3] Cho duong thang d:3x+4y—5=0 va hai diém A(1;-3), B(2;m+1). Dinh m dé A,
B nam ciing phia d6i véi d .
1 5 1 5
A.m>——. B. m<——. C. m<——. D. m>——.
2 4 2 4
Cau 195. [0H3-2] Cho A(3;-1), B(0;3). Tim M € Ox sao cho khoang céch tir M dén AB bang 1.
A. —Z;O va —1—7; . B. i;O va E;O .
3 3 3 3
(7 (5
C. (L0) va (—;OJ. D. (50) va|=;0|.
2 2
Céu 196. [0H3-3] Cho tam gidc ABC c6 A(2;-1), B(1;2), C(2;—4). Tinh dién tich tam gidc ABC .
A.g. B. 3. C.g. D.@.
2 2 37
Cau 197. [0H3-3] Tim diém M (a;b) voi a<0 nim trén A:x+y—1=0 va cich N (-1;3) modt khoang
bang 5. Gid tricia a—b 1a
A. 3. B. 1. C. -11. D. 1.
412 GV. Tran QuécNghia
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Cau 198.

Cau 199.

Cau 200.

Cau 201.

Cau 202.

[0H3-3] Toa d0 didmM e Oy sao cho M céch déu hai duong thing /5x—2y+1=0
Vé\/gx—y+7:O la

23 23 19
A. M(0;—-19) va M| 0;— |. BM —0|vaM|———:0
( ) ( 7 J (2\/§+3J§ j [26—3\/5 j
C. M (19;0) va M (—%;OJ. D. M (0;19) va M (O;—%}

[0H3-3] Cho diém M (1;2) va duong thang d:2x+y—5=0.Toa d cia diém ddi xing véi

diém M qua d la:
A. (ggj B. (—z,gj C. (O;EJ. D. (g;—Sj.

55 55 5 5
[0H3-3] Hinh chiéu vudng géc cia M (1;4) xudng dudng thing A:x—2y+2=0cétoa dd 1a
A. (30). B. (0;3). C. (2:2). D. (2;-2).
[0H3-3] Cho hai duong thang d,:x+3y—-1=0,d,:x—2y+4=0. Phuong trinh duong thing
d d6i xtmg véi d, qua d, 1a
A. x+3y—-11=0. B. 3x—y+7=0. C.3x+y-1=0. D. 3x+y-7=0.
[0H3-4] Cho hai dudng thang d,:x-2y+3=0 va hai diém A(1;3) va B(-2;4). Diém
M (x;y)e d, sao cho ‘m+m‘ dat gid tri nho nhat. Gid tri ciia x+2y 1a

A2 B. 2. c. 2 D. 2.
5 25 5 10

§2. PHUONG TRINH DUGNG TRON

A - CAC YEU TO CO BAN CUA PUONG TRON

Cau 203.

Cau 204.

Cau 205.

Cau 206.

Cau 207.

[0H3-2] Phuong trinh nao sau ddy l1a phuong trinh dudng tron?

A. X +2y"—4x-8y+1=0. B. 4x° +y*—10x—-6y-2=0.
C. x> +y*—2x-8y+20=0. D. x’+y —4x+6y—-12=0.
[0H3-1] Phuong trinh nao sau ddy l1a phuong trinh dudng tron?

A X+ —x—y+9=0. B. xX’+y" —x=0.

C. x> +y>=2xy—-1=0. D. x> —y*=2x+3y-1=0.
[0H3-1] Phuong trinh nao sau day khong phai la phuong trinh duong tron?
A X+ —x+y+4=0. B. x’+y —y=0.
C.x*+y*-2=0. D. x> +y* =100y +1=0.

[0H3-1] Phuong trinh nao sau ddy la phuong trinh duong tron?

A. X +y"—2x-8y+20=0. B. 4x° +y*—10x—-6y—-2=0
C. X’ +y —4x+6y-12=0. D. x*+2y’ —4x—-8y+1=0.

[0H3-1]Phuong trinh x*>+ y* —2x+4y+1=0 la phuong trinh ciia dudng tron nao?
A. Puong tron ¢6 tdm (—1;2), bdn kinh R=1. B.Dudng tron c6 tm (1;—2), ban kinh R=2.
C. Duong tron ¢6 tim (2;—4), ban kinh R=2. D. Pudng tron ¢6 tm (1;—2), ban kinh R=1.
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Cau 208. [0H3-3] Cho duong tron (C):x*+y> +2x+4y—20=0. Tim ménh d¢ sai trong cdc ménh dé
sau:
A. (C) c6tam 1(1;2). B. (C) c6 bankinh R=5.
C. (C) diqua diém M (2;2). D. (C) khong di qua diém A(L;1).
Cau 209. [0H3-1] Buong tron (C):x° +y* —x+y—1=0 c6 tdm I vabankinh R 1a
A. I(-1;1), R=1. B.I(l;—lj,Rzﬁ.
22 2
11 J6
C.l|-—=|, R=", D. I(1;-1), R=+/6.
( 2 ZJ 2 (1:=1)
Cau 210. [0H3-2] Cho diém M (0;4) va duong tron (C) c6 phuong trinh x*+ 7y’ —8x—6y+21=0.
Tim phét biéu diing trong céc phat biéu sau:
A. M nim ngoai (C). B. M nam trén (C).
C. M nam trong (C). D. M trung véi tim cua (C).
Cau 211. [0H3-3] Phuong trinh nao trong cdc phuong trinh sau day khong la phuong trinh duong tron?
A xX*+y' —-4=0. B. X’ +y +x+y+2=0.
C. X’ +y’+x+y=0. D. x> +y*—2x-2y+1=0.
Céu 212. [0H3-1]Pudng tron x> + y* —10x—11=0 c6 ban kinh bang bao nhiéu?
A.6. B.2. C. 36. D. V6.
Cau 213. [0H3-1] Buong tron nao dudi day di qua diém A(4;2) ?
A X +y —2x+6y-24=0. B. X’ +y*—4x+7y-8=0.
C. x> +y’—6x-2y+9=0. D. x*+y*+2x-20=0.
Céu 214. [0H3-1] Puong tron x* + y* —2x+10y+1=0 di qua diém nao trong cdc diém dudi day?
A. (2:1). B. (3;-2). C. (-13). D. (4;-1).
CAu 215. [0H3-1] Duodng tron ndo dudi dy di qua hai diém A(1;0), B(3;4) ?
A, x> +y*+8x-2y-9=0. B. x*+y*-3x-16=0.
C.x’+y’—x+y=0. D. x’+y’—4x—4y+3=0.
Céu 216. [0H3-1] Puong tron x* + y> —6x—8y =0 c6 ban kinh bing bao nhiéu?
A. 10. B. 25. C.s. D. J/10.
Céu 217. [0 H3-1] Puong tron x>+ y*> =5y =0 c6 béan kinh bang bao nhiéu?
A5, B. 25. c.2. p. 2.
2 2
Cau 218. [0H3-1] Puong tron x° + y° +%— V3=0 c6 tam Ia diém nao trong céc diém sau day?
1
a0, B2, C. (V2:43). D. (—;OJ.
2 4 22
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Cau 219.

Cau 220.

Cau 221.

Cau 222.

Cau 223.

Cau 224.

Cau 225.

Cau 226.

Cau 227.

Cau 228.

Cau 229.

[0H3-1] Pudng tron 2x* +2y* —8x+4y—1=0 c6 tam la diém ndo trong cdc diém sau diy?

A. (-21). B. (8;—4). C. (-8:4). D. (2;-1).
[0H3-1] Pudng tron 3x> +3y° —6x+9y—-9 =0 c6 ban kinh bang bao nhiéu?

5 25 25
A. =, B. V5. C. =, D. =—.

2 V5 2 4

[0H3-1] Tim m dé(C,): x> +y* +4mx—2my+2m+3=0 la phuong trinh dudong tron?
5. 5 3
A.m<—§ hoac m >1. B.m<—§. C. m>1. D. —§<m<1.

[0H3-3] Vi gid tri nao cua m thi phuong trinh sau diy la phuong trinh sau day la phuong
trinh ctia duong tron x* +y*> —2(m+2) x+4my+19m-6=0?

A.l<m<?2. B. 2<m<l1. C. m<lhoac m>2. D.m<-2hoac m>1.
[0H3-2] Phuong trinh x*+y> —2(m+1)x—2(m+2) y+6m+7 =0 1a phuong trinh dudng tron
khi va chi khi

A. me (-1;1). B. m<-3—+/3hoic m>-3++/3.

C. m>1. D. m<—-1 hoac m>1.

[0H3-1] Trong mit phing Oxy, cho dudng tron (C):(x—1)"+(y+2)" =3. Tam va ban kinh
cia (C) Ia

A.I(-1;2),R=3.  B.I(1;-2),R=3. C.I(1;=2),R=+3. D.I(-1;2),R=+3.

[0H3-1] Trong mit phang Oxy, cho dudng tron (C):x* +y*> —4x+6y—3=0. Tam va ban kinh
cia (C) Ia

A. 1(2:3),R=+10. B.I(2-3),R=+10. C. I(2-3),R=4. D.I(-23),R=+L.
[0H3-1] Phuong trinh nao sau day la phuong trinh dudng tron:

A. x*+2y* —4x-8y+1=0. B. x> +y° —10xy-2=0.

C. x*+y"—2x—-8y+20=0. D. X’ +y>—4x+6y—12=0.

[0H3-2] Trong mit phang Oxy, cho dudng trdon c6 phuwong trinh x*+y> —8x+4y+10=0.
Dién tich ctia duong tron bang:

A. 70x. B. 10x. C. 30r. D. 1007
[0H3-4]Trong mat phing Oxy, cho phuong trinh dudng tron (C):x*+y*—2x+6y+7=0 va
hai diém A(4;1) va B(6;—1). Diém M thudc (C). Gid tri 16n nhit ciia P = MA*> +MB’ 1a

A. 2310+4/3. B. 95. C. 3++/5. D. 60+20~/3 .
[0H3-4] Trong mit phing Oxy, cho tam gidc ABC c6 toa do diém A(3;7) va tryc tim
H(-1;1), tam gidc ABC ndi tiép dudng tron tam 7 (1;2). Trung diém M cia BC c6 toa dd la
bao nhiéu?

A M(—%;Oj. B. M (~1:0). C.M(-L=1).  D.M(-3-4),
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B - PHUONG TRINH PUONG TRON

Cau 230. [0H3-3] Cho hai diém A(1;1) va B(7;5). Phuong trinh dudng tron dudng kinh AB Ia
A X+ +8x+6y+12=0. B. X+ —8x+6y+12=0.
C. x>’ +y*—8x—-6y—-12=0. D. x*+y*+8x+6y—-12=0.
Cau 231. [0H3-3] Puodng tron di qua ba diém A(0;2), B(-2;0) va C(2;0) c6 phuong trinh 1a
A, X’ +y*=8. B. x*+y*+2x+4=0.
C. x’+y"-2x-8=0. D. x’+y°—-4=0.
Céu 232. [0H3-1] Phuong trinh ndo 1a phuong trinh cua dudng tron ¢6 tm 1 (—3;4) va bankinh R=27?
A. (x+3) +(y-4)-4=0. B. (x—-3)" +(y-4)’ =4.
C. (x+3) +(y+4)" =4. D. (x+3) +(y-4)"=2.
Cau 233. [0H3-3] Cho ba diém A(l; 4) , B(3; 2) , C(5; 4). Toa do tam duong tron ngoai tiép tam gidc
ABC la
A. (2;5). B. G 2}. C. (9;10). D. (3;4).
Cau 234. [0H3-3] Cho ba diém A(-2;0). B(~2:v2). C(2:0). Duong tron ngoai tiép tam gide ABC
c6 phuong trinh la
A x*+y" —4=0. B. x’+y*—4x+4=0.
C. x> +y* +4x—-4y+4=0. D. x> +y*=2.
Cau 235. [0H3-3] Cho hai diém A(3;0), B(0;4). Pudng tron noi tiép tam gidc OAB c6 phuong trinh la
A, x> +y>=1. B. x’+y>=2.
C. X’ +y*=2x-2y+1=0. D. x*+y’—6x—8y+25=0.
CAu 236. [0H3-3] Duodng tron di qua ba diém A(0;3), B(-3;0), C(3;0) c6 phuong trinh Ia
A. X +y*=3. B. X’ +y’—6x—6y+9=0.
C. x*+y’—6x+6y=0. D. x> +y*-9=0.
CAu 237. [0H3-2] Tim toa do tam dudng tron di qua 3 diém A(0;4), B(2;4), C(4;0).
A. (0,0). B. (1,0). C. (3:2). D. (I;1).
CAu 238. [0H3-2] Tim ban kinh dudng tron di qua 3 diém A(0;4), B(3;4), C(3;0).
AS. B.3. c. Yo, p..
2 2
CAu 239. [0H3-2] Tim toa do tam dudng tron di qua 3 diém A(0;5), B(3;4), C(43)
A. (6,2). B. (I;1). C. (31). D. (0;0).
CAu 240. [0H3-2] Tim ban kinh dudng tron di qua 3 diém A(0;0), B(0;6), C(8;0).
A. 6. B.5. C. 10. D. 5.
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Cau 241.

Cau 242.

Cau 243.

Cau 244.

Cau 245.

Cau 246.

Cau 247.

Cau 248.

Cau 249.

Cau 250.

Cau 251.

[0H3-2] Dudng tron ndo dudi dy di qua 3 diém A(2;0), B(0;6), 0(0;0)?

A. x*+y°-3y-8=0. B. X’ +y°—-2x—-6y+1=0.

C. x>’ +y*=2x+3y=0. D. x*+y*=2x-6y=0.

[0H3-1]Mot duong tron c6 tam la diém O(0;0) va tiép xic véi duong thang A:
X+ y—4~/2 =0. Héi ban kinh duong tron d6 bing bao nhiéu?

A2, B. 1. C. 4. D. 4/2.
[0H3-2] Viét phuong trinh dudng tron di qua 3 diém 0(0;0), A(a;0), B(0;b)
A. X’ +y' —2ax—by=0. B. xX’+y —ax—by+xy=0.
C. x*+y*—ax—by=0. D. x*—y*—ay+by=0.

[0H3-2] Viét phuong trinh dudng tron di qua 3 diém A(0;2),B(2;2),C (1;1+ V2 ) .

A X+ y +2x+2y—+/2=0. B. x*+y’-2x-2y=0.
C. X’ +y*—2x-2y-2=0. D. x’+y> +2x—2y+~/2=0.

[0H3-2] Tim ban kinh dudng tron di qua 3 diém A(11;8), B(13;8), C(14;7).

A.2. B. 1. C. 5. D. V2.
[0H3-2] Tim toa do tim dudng tron di qua 3 diém A(1;2), B(2;3), C(41).
A. (0;-1). B. (0:0). C. G%} D. (3:0,5).

[0H3-2] Mot duong tron c6 tam 1(1;3) tiép xiic voi duong thang A:3x+4y=0.Hoi ban kinh

duong tron bang bao nhiéu?
3

A.g. B. 1. C. 3. D. 15.
[0H3-3] Viét phuong trinh dudng tron di qua 3 diém A(-1L1), B(3;1), C(1;3).
A X’ +y" —2x-2y-2=0. B. x’+y*+2x-2y=0.

C. X’ +y"—2x-2y+2=0. D. x’+y +2x+2y-2=0.

[0H3-1] Phuong trinh duong tron tam [ (a;b) va ban kinh R c6 dang:

A. (x—a)’ +(y-b) =R B. (x+a) +(y+b)’ =R’.

C. (x-a) +(y-b)’ =R. D. (x+a) +(y+b) =R.

[0H3-1] Trong mit phing Oxy , dudng tron ¢ tam I (1,—2), ban kinh R =4 c6 phuong trinh la
A. (x=1)+(y+2)’ =16. B. (x+1)"+(y-2)" =16.

C. (x-1)" +(y+2)" =4. D. (x—1)"+(y+2)" =8.

[0H3-1] Trong mit phang Oxy, duong tron (C) c6 tam I(3;2) va duong kinh bang 6 c6
phuong trinh la
A. (x=3)"+(y-2)°

2

. (x—3)2+(y 2) 9

=3. B -2) =9.
C. (x+3) +(y+2)" =3. D. (x+3)"+(y+2)" =9.
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Cau 252.

[0H3-2]Trong mit phiang Oxy, dudng tron c6 tam I (—1;3) va di qua diém A(1;2) c6 phuong

trinh I
A X+ =2x+6y+5=0. B. x’+y’+2x-6y+5=0.
C. x*+y" —2x—4y=0. D. x*+y +2x-6y—15=0.

C - VI TRi TUONG POI - TIEP TUYEN

Cau 253.

Cau 254.

Cau 255.

Cau 256.

Cau 257.

Cau 258.

Cau 259.

Cau 260.

[0H3-2] Trong mit phang Oxy, cho dudng tron (C): x>+ y* +6x+8y=0. Phuong trinh tiép
tuyén ctia (C) tai M (1;-7) Ia
A. 7x+y=0. B. 4x-3y-25=0. C. x-7y-50=0. D. 3x+4y+25=0.

[0H3-2] Trong mit phing Oxy, cho dudng tron (C):(x-3)"+(y—2)" =5 va dudng thing

x=1+t . =
d:{ . Toa d6 giao diem cta (C) va d la

y=3-2¢
< 11 3
A. A(2;0) va B(L;1). A(3;-1)va B(? gj
C. A(2;0) va B(E _—lj D. A(1;3) va B(E _lj
5 3 5 5

[0H3-2] Trong mat phang Oxy, dudng tron c6 tam I(1;2) tiép xtc voi duong thing
d:3x—4y—-10=0 c6 phuong trinh la

A. (C):(x=1) +(y-2)" =0. B. (C):(x-1)"+(y-2)" =1

C. (O):(x+1) +(y+2)" =3. D. (C):(x=1)"+(y-2)"=3.

[0H3-3] Cho hai duong tron: (C,):x*+y°+2x—6y+6=0, (C,):x*+y’ —4x+2y—-4=0.
Tim m¢nh dé ding trong cdc ménh dé sau:

A. (C) cat (G,). B. (C,) khong c6 diém chung véi (C,).

C. (C) tiép xiic trong véi (C,). D. (C) tiép xiic ngoai voi (C,).

[0H3-3] Tiép tuyén véi dudng tron (C): x* +y* =2 tai diém M (1;1) c6 phuong trinh Ia

A. x+y—-2=0. B. x+y+1=0. C. 2x+y-3=0. D. x—y=0.

[0H3-3] S6 duong thing di qua diém M (5;6) va tiép xic v6i duong tron

(C):(x=1)"+(y-2)' =11

A. 0. B. 1. C.2 D. 3.
[0H3-3] C6 bao nhiéu tiép tuyén véi duong tron (C):x* +y* —8x—4y =0 di qua gbc toa do?
2

A. 0. B. 1. C. D. 3.

V2

. .z TN 5 N \ M 2 <A ~ 7. \
[0H3-4] V¢i gid tri nao cua m thi duong thing A:%x—T y+m=0 tiép xic voi dudng
tron x> +y* =172

A. m=1. B. m=0. C.m=\/§. D. m=

2
R
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Cau 261.

Cau 262.

Cau 263.

Cau 264.

Cau 265.

Cau 266.

Cau 267.

Cau 268.

Cau 269.

Cau 270.

Cau 271.

[0H3-2] Dudng tron x>+ y* +4y =0 khong tiép xiic duong thing ndo trong cic duong thing
dudi day?

A. x-2=0. B. x+y-3=0. C. x+2=0. D. Truc hoanh.
[0H3-2] Pudng tron x>+ y> —1=0 tiép xiic dudng thing ndo trong cdc duong thing dudi dy?
A. x+y=0. B. 3x+4y—-1=0. C. 3x—4y+5=0. D. x+y +1=0.
[0H3-3] Tim giao diém 2 duong tron (C,): x*+y*—4=0 va (G,): ¥’ +y* —4x—4y+4=0
A. (\/5\/5) va (\/5—\/5) B. (0;2);(0;2).

C. (2,0);(0;2). D. (2;0) ;(-2;0).

[0H3-3] Tim giao diém 2 duong tron (C,): x*+y>=5 va (C,): x* +y* —4x—-8y+15=0.

A. (1:2) va (V2:43). B.(1:2). C. (1:2) va (V3:42). D. (1:2) va (2:1).

[0H3-2] Buong tron (C): (x—2)" +(y—1)" =25 khong cét duong thing nao trong cdc duong
thing sau day?

A. Puong thang di qua diém (2;6) va diém (45;50).

B. Duong thing c¢6 phuong trinh y —4=0.

C. Dudng thang di qua diém (3;2) va diém (19;33).

D. Buong thang ¢6 phuong trinh x—8=0.

[0H3-3] Vi trf twong déi gitta 2 dudng tron (C,): x> +y> =4 va (C,):(x+10)’ +(y—16)’ =1
2

la
A. Cit nhau. B. Khong cit nhau. C. Tiép xiic ngoai. D. Tiép xiic trong.

[0H3-2] V&i nhirng gid tri nao cta m thi duong thing A:4x+3y+m=0 tiép xic véi dudng
tron (C):x*+y*=9=07?

A. m=3. B. m=3 va m=3. C. m=3. D. m=15 va m=15.
[0H3-1] Pudng tron ndo sau dy tiép xdc véi truc Ox ?

A. x*+y*=2x-10y=0. B. X’ +y>+6x+5y+9=0.

C. x’+y*-10y=0. D. x*+y*-5=0.

[0H3-1] Pudng tron ndo sau dy tiép xidc véi truc Oy ?
A. x*+y° =10y +1=0. B. X’ +y +6x+5y-1=0.
C. x*+y*-2x=0. D. x*+y*-5=0.

[0H3-2] Tam dudng tron x>+ y*=10x+1=0 céch truc Oy bao nhiéu?
A. 15. B. 0. C. 10. D.5.
[0H3-2] Puong tron (x—a)’ +(y—b)" = R* cit duong thing x+y—a—b=0 theo mdt diy

cung c6 do dai bang bao nhiéu?

c B2

2

A. 2R. B. R\2.
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Cau 272.

[0H3-1] Tim toa do giao diém cua duong thing A:x—2y+3=0 va dudng trdn
(C):x*+y*—2x—4y=0.
A.(33) va (-L1).  B.(-L1) va(3;-3). C.(3:3) va(L1).  D.(21) va (2-1).

Cau 273. [0H3-2] Xéc dinh vi tri twong d6i giita hai dudong tron (C):x*+y*—4x=0 va
(C,):x*+y*+8y=0.
A. Tiép xiic trong. B. Khong cit nhau.  C. Cit nhau. D. Tiép xiic ngoai.
Cau 274. [0H3-2] Tim toa d0 giao diém coa duong thing A:x+y—7=0 va duong tron
(C):x2 +y*=25=0.
A. (3;4) va (43). B.(43). C. (3:4). D. (3;4) va (4;3).
Cau 275. [0H3-2] Puong thang A:x+y—7=0 cat duong tron (C): x> +y*—25=0 theo mot day cung
c6 d6 dai bang bao nhiéu?
A.S. B. 2. C.2. D. 52.
Cau 276. [0 H3-2] Duong tron nao sau day tiép xtc voi truc Oy ?
A, x>+ —10x+2y+1=0. B. x’+y*—4y-5=0.
C.x*+y*-1=0. D. X’ +y +x+y-3=0.
CAu 277. [0 H3-1] Tim giao diém 2 dudng tron (C,):x* +y*=2=0 va (C,): x> +y* —2x=0.
A. (2:0).(0;2). B. (vV2:1).(L=v2). €. (5-1),(L1). D. (-1;0),(0;~1).
Cau 278. [0 H3-2] Puong tron x* + y* —4x—2y+1=0 tiép xiic dudong thang nio trong cic duong thing
dudi day?
A. Truc tung. B. 4x+2y—-1=0. C. Truc hoanh. D. 2x+y—-4=0.
Cau 279. [0H3-1] Cho duong tron x* + y*> +5x+7y—3=0. Tim khoang cach tir tAm duong tron téi truc
Ox.
A.5. B. 7. C.3,5. D. 2,5.
Cau 280. [0H3-1] Tim toa d¢ giao diém ciia duong thang A:y = x va duong tron (C): x* +y* —2x=0.
A. (0;0). B. (0;0) va (L1).  C.(20). D. (;1).
Cau 281. [0H3-2] Véi nhitng gid tri ndo ciia m thi duong thing A:3x+4y+3=0 tiép xic véi duong
tron (C):()c—m)2 +y>=09.
A.m=0vam=1. B.m=4 vam=-6. C.m=2. D. m=6.
Cau 282. [0H3-1] Tim toa d¢ giao diém ciia duong tron (C): x>+ y* —2x—2y+1=0 va dudng thang
{x =1+t
A .
y=2+4+2t
A. (1,2) va (21). B. (1;2) va G%} C. (25). D. (1,0) va (0;1).
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Cau 283.

Cau 284.

Cau 285.

Cau 286.

Cau 287.

Cau 288.

Cau 289.

Cau 290.

Cau 291.

[0H3-2] Xac dinh vi tri tuong dbi gita 2 duong tron (C):xX*+y’=4 va
(C,):(x=3)"+(y—4) =25.

A. Khéng cit nhau. B. Cit nhau. C. Tiép xiic ngoai. D. Tiép xiic trong.
[0H3-2] Puong tron x*+ y* —6x =0 khong tiép xdc dudng thing nao trong cic duong thing
dudi day?

A. y-2=0. B. x-6=0. C. Truc tung. D. y+3=0.

[0H3-3] Cho dudng tron (C):x*+y*—4x—2y=0 va duong thing A:x+2y+1=0. Tim
ménh d& diing trong cdc ménh d& sau:

A. A diquatim cua (C). B. A cit (C) tai hai diém.

C. A tiép xiic véi (C). D. A khong c6 diém chung véi (C).

[0H3-3] Puong thing A:4x+3y+m=0 tiép xic véi duong tron (C): x> +y* =1 khi:

A. m=3. B. m=5. C.m=1. D. m=0.

[0H3-2] Phuong trinh tiép tuyén tai diém M (3;4) v6i duong  tron
(C):x*+y*—2x—4y-3=01a

A. x+y-7=0. B. x+y+7=0. C.x-y-7=0. D. x+y-3=0.

[0H3-1] Mot dudng tron c6 tam [(3;2) tiép xdc v6i duong thang A: x+5y+1=0. Hoi ban

kinh dudng tron bang bao nhiéu?

14 7
A. 6. B. V26 . C.—. D. —.
V26 13

[0H3-3] Trong mit phang Oxy, cho phuong trinh dudng tron (C):x*+y* +4x+6y—12=0 va
duong thing d:3x—4y+1=0. Tiép tuyén ciia (C) va song song véi duong thing d c6

phuong trinh la
A. 6x—8y+38=0 va 3x—4y-31=0. B.3x-4y-1=0 va 3x-4y-11=0.
C.3x-4y+31=0 va 3x-4y-19=0. D. 4x+3y+43=0 va 4x+3y—-8=0.

[0H3-3] Trong mit phing Oxy, cho phuong trinh duong tron (C) X+ y —4x+6y-3=0 va

duong thing d:3x—4y+1=0. Tiép tuyén cia (C) va vudéng géc véi duong thing d c6

phuong trinh la
A.3x—4y+2=0 va 3x—-4y-38=0. B. 4x+3y+19=0 va 4x+3y-21=0.
C. 4x-3y+18=0 va -4x-3y-22=0. D. 4x+3y+21=0 va 4x+3y—-19=0.

[0H3-3] Trong mit phing Oxy, cho phuong trinh dudng tron (C):x*+y* +2x+4y-31=0 va
diém M (9;—2). Tiép tuyén cta (C) va di qua diém M c6 phuong trinh Ia

A.3x—4y-35=0 va 3x+4y—19=0. B. 4x—3y—42=0 va 4x+3y—30=0.
C.5x—12y-69=0 va 5x+12y—21=0. D. x—y—11=0 va x+y-7=0.
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Cau 292. [0H3-4] Trong mit phiang Oxy, cho phuong trinh dudng tron (C):x*+y*—4x+6y-3=0 va
diém A(L;—1). Puong thing di qua diém A va céch tim I cta duong tron khoang cach 16n
nhét ¢6 phuong trinh 12
2x+y—-1=0. B. —x+2y+3=0. C. x—y+5=0. D. 3x—-4y-7=0.
Cau 293. [0H3-4] Trong mit phang Oxy, cho phuong trinh dudng tron (C):x* +y* —2x+6y—6=0 va
diém A(1;0). Pudng thing d di qua A va cat dudng tron tai hai diém M, N sao cho dién

tich IMN 16n nhét.
A. 2x+y-2=0va x—y—-1=0, B. y=0.

C. x+2J2y-1=0 va x—-23/2y—1=0. D. 3x+4y—3=0 va 3x—4y-3=0.
Cau 294. [0H3-4] Trong mit phiang Oxy, cho phuwong trinh dudng tron (C):x*+y*—2x—8y+15=0 va
duong thing d:x+y—1=0. Gia sit Ae(C) vd Bed sao cho dudong thang AB song song

v6i truc Ox va khoang cich A va B 16n nhit. Tinh AB .
A. 32, B. 4+/2. C.6. D. 12.

§3. ELIP
A - CAC YEU TO CO BAN CUA PUONG TRON

2 2
Cau 295. [0H3-3] Cho elip (E) :;—5+% =1 va cho cdc ménh dé:

() (E)c6 céc tidu diém F, (—4;0) va F,(4;0);
cc 4
(D) (E) c6tisd <==;
a 5
(I (E) c6 dinh A, (-5;0);
(IV) (E) c6 dd dai truc nho bang 3.

Tim ménh dé sai trong cdc m¢nh dé sau:

A. () va (D). B. (I) va (1II). C. (I) va (III). D. I) va (IV).
Céu 296. [0H3-3] Cho elip (E): x> +4y*> =1 va cho cdc ménh dé:
(D (E) c6 truc 16n bang 1; (II) (E) ¢6 truc nho bang 4 ;

; (IV) (E) c6 tiéu cu bing /3.

>

(1) (E) c6 tiéu diém F, [0;7

Tim m¢nh dé ding trong cdc ménh dé sau:

A. (D). B. (II) va (IV). C. (I) va (III). D. (V).
. . 12 :
Cau 297. [0H3-2] Mot elip c6 truc 16n bang 26, ti s6 £ E . Truc nho cua elip bang bao nhiéu?
a

A. 5. B. 10. C.12. D. 24.
CAu 298. [0H3-3] Cho elip (E):4x*+9y® = 36. Tim ménh dé sai trong cdc ménh dé sau:

A. (E) c6truc 16n bang 6. B. (E) c6 truc nhé bang 4.

C. (E) c6 tiéu cu bang /5. D. (E) cétiséﬁzg.

a
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Cau 299.

Cau 300.

Cau 301.

Cau 302.

Cau 303.

Cau 304.

Cau 305.

Cau 306.

Cau 307.

Cau 308.

2
[0H3-3] Day cung cua elip (E): —2+% =1(0<b<a) vudng géc véi truc 16n tai tiéu diém c6
a

d6 dai Ia
2 2 2
A X B. 22 c. 2L D. .
a a c c
. . e yz
[0H3-1] Cap diém nao la céc tiéu diém cua elip (E) :?+T =1?
A. F, =(%1;0). B. F, =(£3;0). C. F, =(0;%1). D. F, =(1%2).
[0H3-1] Elip (E): % y? =1 ¢6 tam sai bing bao nhiéu?
2
A.e=§. B.e:—ﬁ. C.e=—. D.ezﬁ.
2 3 3 3
[0H3-1] Cho elip (E): x—2 y—2—1 véi p>gq >0, khi dé tiéu cy cia elip (E) bing
P’ q
A. p+gq. B. p°—¢’. C. p—q. D. 2\p*-q*.

[0H3-1] Cho elip (E) c6 hai tiéu diém F,, F, vacé d dai truc 16n bing 2a. Trong cdc ménh

dé sau, ménh dé nao ddng?
A. 2a=FF,. B. 2a > F|F,. C. 2a< FF,. D. 4a=FF,.

2 2

[0H3-1] Cho mét elip (E) c6 phuong trinh chinh tic %+% =1. Goi 2c la tiéu cy cua (E).

Trong cdc ménh dé sau, ménh dé nao ddng?
A, =a’ +b*. B. b* =a’+c’. C.a*=b*+c>. D.c=a+b.

2 2
[0H3-2] Cho elip (E) c6 phuong trinh chinh tic 1)(C)_0+% =1. Trong céc diém c6 toa do sau

day diém nao 12 tiéu diém cua elip (E)?

A. (10;0). B. (6:0). C. (4:0). D. (-8;0).

2 2
[0H3-1] Tam sai cta Elip (E) :%H— —1 bing

4
A. ﬁ B. O, 4. C. L D. 0,2.
4 V5

[0H3-3] Cho Elip ¢6 phuong trinh (E):9x” +25y* =225 . Liic d6 hinh chit nhat co s¢ c¢6 dién
tich bang
A.15. B. 40. C. 60. D. 30.

x2 y2
[0H3-2] DPudng thang nao dudi day 1a mot dudng chuan cia Elip (E): T +E =1.

4 3

A. x+§. B. x+2=0. C.x—Z=O. D. x+8=0.
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2 2
Cau 309. [0H3-2] Duong Elip (E) :%+% =1 c6 mét tiu diém la

A. (0:3). B. (0:3). C. (—/3:0). D. (3:0).

2 2

Cau 310. [0H3-2] Duong Elip (E) :f—6+y7 =1 ¢6 tiéu cy bing
A. 18, B. 6. C.9. D. 3.

. 12 .
Cau 311. [0H3-3] Mot Elip c6 truc 16n bang 26, tam sai e :E Truc nhd cua elip c6 do dai bang bao

nhiéu?
A. 10. B.12. C. 24. D. 5.

2 2
Cau 312. [0H3-2] Duong Elip (E) :%HT =1 ¢6 tiéu cy bing

A.2. B. 4. C.9. D. 1.
. . 2 2
Cau 313. Duong thang nao dudi day la mot duong chuan cia Elip 2_0+E =1.
A. x+4/5=0. B. x—4=0. C. x+2=0. D. x+4=0
2 2

Cau 314. Duong Elip f—6 + y7 =1 c6 tiéu cyu bing

A. 3. B. 6. C.i. D.
16

<o

2 2

Cau 315. Elip (E) :;—5+% =1 ¢6 tam sai bing bao nhiéu?

AL B.2. c.2. D.>.
5 4 3 5
Cau 316. [0H3-1]Trong cic phuong trinh sau, phurong trinh nao 1a phuong trinh chinh tic cia elip:
x2 y2 x2 y2 x2 y2
A. 4x2+8y?2=32. B. —+—=1. —t+==-1. D. ———=1.
11 64 16 3 4
8 4
x2 y? .
Céu 317. [0H3-1] Cho elip (E): 3+7 =1. Chon khang dinh sai:
A.Diém A(-3;0)¢e (E). B. (E) c6 tidu cu bang 25
— Cn s s 35
C. Tryc 16n cua (E) c6 do dai bang 6. D. (E) c6 tam sai bang -

B - PHUONG TRINH ELIP
CAu 318. [0H3-2] Phuong trinh chinh tic cta elip ¢6 hai dinh a (-3;0), (3;0) va hai tiéu diém 1a
(—1;0), (1;0) Ia

2 2
A2 o1 B. X +2 =1 c. 4+ o, D. 42 1.
9 1 8 9 1
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Cau 319.

Cau 320.

Cau 321.

Cau 322.

Cau 323.

Cau 324.

Cau 325.

Cau 326.

Cau 327.

Cau 328.

[0H3-3] Cho elip (E) c6 tiéu diém F (4;0) va c6 mot dinh 1a A(5;0). Phuong trinh chinh tac

cua (E) la
2 2 2 2 2 2
A+l =1, B. =+  =1. C. +2 =1, D. 2+2=1.
25 16 5 4 25 9 5 4
[0H3-3] Tim phwong trinh chinh tic cua Elip ¢6 truc 16n gap d6i truc bé va c6 tidu cu bang
43
2 2 2 2 2 2 2 2
A+l =1, B. —+2 =1. C. +2 =1, D+l =1.
36 9 36 24 246 16 4

. . 1 .
[0H3-2] Tim phuong trinh chinh tac cta Elip ¢6 tam sai bang 3 va truc 16n bang 6

2 2 2 2 2 2 2 2
A2 o1 B. X +Y -1 c. X o D. 42 1.
9 3 9 8 9 5 6 5

[0H3-3] Tim phuong trinh chinh tic cta Elip ¢c6 mot dudng chuan 1a x+4=0 va mot tiéu
diém la diém (1;0)
2 2 2 2 2 2 2
A+ X =g B. —+ 1 =1. Cc. L +L =0, D. =+ =1,
4 3 16 15 16 9 9 8
[0H3-3] Tim phuong trinh chinh tic cta Elip 6 tiéu cy bang 6 va di qua diém A(5;0).
2 2 2 2 2 2 2 2
* LY B. -+ -1 * LY D. 4+

A, —+=—=1. . ) C.—+—=1. —+—=1.
100 81 15 16 25 9 25 16

[0H3-2] Tim phuong trinh chinh tac caa Elip 6 truc 16n gap doi truc bé va di qua diém (2;2)
2 2 2 2 2 2 2 2

A+ o B. -+ —1. c. X o1 D. 4+ =1,
24 6 36 9 16 4 20 5

[0H3-3] Tim phuong trinh chinh tc cua Elip ¢6 mot dinh cta hinh chir nhat co so 1a M (4;3)

2 2 2 2 2 2 2 2
ALY g B. -2 1. c. 24 . D. 2+ 1
16 9 16 9 16 4 4 3

[0H3-2] Phuong trinh cta Elip ¢6 d¢ dai truc lon béng 8, d6 dai truc nho bﬁng 6 la
2 2 2 2

A. 92 +16y* =144. B. 2+ =1. C.9x*+16y*=1. D. 4+ -1,
9 16 64 36

. . . 1
[0H3-2] Tim phuong trinh chinh tac cta Elip di qua di€ém (6;0) va c6 tdm sai bang 5

2 2 2 2 2 2 2 2
X X

A4 o, B. X +2 -1 c. 14X o, D. 42 1.
36 27 6 3 6 2 36 18

[0H3-2] Trong cdc phuong trinh sau, phurong trinh nao biéu dién mot elip c6 khoang céch giita
. 50 .
cac duong chuan la 3 vatiéucy 6 ?

2 2 2 2 2 2 2 2

* LYo B. X +2 -1 c. 42 D. 4+ 1.

T 64 25 ' "89 64 25 16 16 7
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Cau 329. [0H3-2] Tim phuong trinh chinh tic cta Elip ¢6 tiéu cy bang 6 va truc 16n bang 10

2 2 2 2 2 2 2 2
Lo B. —+2 =1, c. L. D. 4+ =1,
25 9 100 81 25 16 25 16
, 4 .
Cau 330. Phuong trinh chinh tac cua Elip c6 tdm sai ezg, do dai truc nho bang 12 la
2 2 2 2 2 2 2 2
Lo B. —+2-=1. C. 4l o1, D. =+ =1,
36 25 100 36 25 36 64 36

CAu 331. Tim phuong trinh chinh tic ciia Elip c6 mot dudng chuan la x+5=0 va di qua diém (0;-2).

2 2 2 2 2 2 2 2
A2 o1 B. L+ 1. c. 14X o, D. —+2 -1,
16 12 20 4 16 10 20 16

Céu 332. Tim phuong trinh chinh tic cua Elip di qua diém (2;1) va c6 tiéu cu bing 24/3.

2 2 2 2 2 2 2 2
A2 o1 B. X +Y -1 c. 4o pD. 42 1.
8 5 g 2 9 4 6 3

CAu 333. [0H3-2]Phuong trinh chinh tic cta elip di qua A(0;—4) va cd tiu diém F (3;0) 1a
X2 y2 X2 y2 X2 y2 X2 y2

A ———=1. B. —+—=1. C.—+=—=1. D. —+—=1.
25 16 13 4 5 4 25 16

Cau 334. [0H3-2] Phuong trinh chinh téc cta elip di qua hai diém A(~2:4/3) va B(2:42) Ia

2 2 2 2 2 2
A Y B. 421, c. XX D. 8x2+4y2=32.
8 4 11 64 16
8 4

Cau 335. [0H3-1]Elip (E) c6 d6 dai truc bé bang 8 va do dai truc 16n bang 12 ¢6 phuong trinh chinh

tic 1a
2 2 2 2 2 2 2 2
.x__y_zl' .x_ y_: .x_+y_:— D.x__l_y_:l'
36 16 36 16 36 16 144 64

. . : oy 1 .
Cau 336. [0H3-3]Elip (E) c6 do dai truc 16n bang 12 va tdm sai bang 3 ¢6 phuong trinh chinh tac la

2 2 2 2 2 2 2 2
ALY g B. -+ 1. c. XX, p. 4+ -1,
36 32 9 8 18 16 144 128

. . 1 .
Cau 337. [0H3-3]Elip (E) c6 d6 dai truc bé bang 8 va tdm sai bang 3 ¢6 phuong trinh chinh tac la

2 2 2 2 2 2 2 2
Ay B. 4+ 1. c. 2y X g, p. =Y.
9 8 25 16 18 16 18 16

CAu 338. [0H3-3]Elip (E) c6 tiéu diém F (2J§ ;o) va dién tich hinh chit nhat co s¢ bang 32 c¢6 phuong
trinh chinh tic 1a

2 2 2 2 2 2 2 2
AR B. -+ =1 c. Z+2X = S A

64 16 6 4 "1 16 16 4
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C - PIEM THUOC ELIP

Cau 339.

Cau 340.

Cau 341.

Cau 342.

Cau 343.

Cau 344.

Cau 345.

Cau 346.

Cau 347.

2 2
[0H3-3] Cho elip (E):%+%:l (0<b<a). Goi F,, F, Ia hai tiéu diém va cho diém
M (0;—b). Gid tri ndo sau ddy bang gid trj biéu thic MF,.MF,—OM*?
A. . B. 2a°. C.2b". D. a’-b’.

[0H3-2]Cho elip c6 cic tidu diém F,(-3;0), F,(3;0) va di qua A(-5;0). Diém M (x;y)

thudc elip da cho c6 céc ban kinh qua tiéu diém 1a bao nhiéu?

A. MF1:5+§x, MF2=5—§x. B. MF1:5+%x, MF2=5—gx.
C. MF, =3+5x, MF, =-3-5x. D. MF, =5+4x, MF, =5—4x

2 2
[0H3-1] Cho diém M (2;3) nim trén duong elip (E) c6 phuong trinh chinh tic: %+ Y 1.

&

Trong cdc diém sau ddy diém nao khong nam trén (E):

A. M, (-2;3). B. M,(2;-3). C. M, (-2;-3). D. M,(3;2).

x2 2 ) . i
[0H3-3] Cho Elip (E ):B+%=l. M la diém nam trén (E). Lic d6 doan thang OM thoa
A. 4<0OM <5. B. OM =>5. C. OM <£3. D. 350M <£4.

. . . 9 .
[0H3-3] Biét Elip (E) c6 cic titu diém F,(—J/7:0), F,(~/7:0) va di qua M(—\ﬁ;zj. Goi
N 1a diém d6i xtng v6i M qua gdc toa do. Khi dé:

2 7
A.NFI+MF2:%. B.NF2+MFI=?3. C. NF,=NF=—.  D.NF+MF =8.

[0H3-3] Cho Elip c¢6 phuong trinh 16x* +25y” =100. Tinh tdn khoang cach tu diém thudc
p co p g g

Elip c6 hoanh do x =2 dén hai tiéu diém.

A A3, B. 2V2. C.5. D. 4/3.

[0H3-2] Cho Elip (E):§+£:1 va diém M nam trén (E). Néu diém M c6 hoanh do
bang 1 thi cdc khodng céch tir M t6i 2 tiéu diém ctia (E) bang

A. 4142, B.3vas5. C. 3,5 va 4,5. D. 47:%.

[0H3-4] Puong thang qua M (1;1) va cit Elip (E): 4x* + 9y® = 36 tai hai diém M,, M, sao
cho MM, = MM, c6 phuong trinh la

A. 2x+4y-5=0. B. 4x+9y-13=0. C. x+y+5=0. D. 16x-15y+100=0.
2 2

[0H3-3] Cho Elip (E):IXE+IZ—4:1 va diém M ndm trén (E). Néu diém M c6 hoanh do

bang 13 thi cdc khoang cich tir M téi 2 tiéu diém cua (E) bing

A. 8 val8. B. 13£4/5. C. 10 va 16. D. 13+4/10.
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CAu 348. Cho Elip (E) c6 céc tidu diém F, (-4;0), F,(4;0) va mot diém M ndm trén (E) biét rang

chu vi cta tam gidc MF,F, bang 18. Lic d6 tim sai cia (E) I

A.e:—f. B.e:i. C.e=i. D.e=i.
5 9 18 5
2 2
Cau 349. [0H3-4] Cho elip (E):;—5+1y—6:1, véi tiéu diém F, F,. LAy hai diém A, Be(E) sao
cho AF, + BF, =8. Khi d6, AF, + BF, bang
A. 6. B. 3. C.12. D. 10.

2 2
Cau 350. [0H3-4] Cho elip (E):;—5+%:1. Tim toa d diém M e (E) sao cho M nhin F, F, duéi

mdt géc vudng:

A. (=5:0). B. (4;—%). C. (0:4). D. (ﬂﬁ}.

Céu 351. [0H3-2] Cho duong tron (C) tdm F, ban kinh 2a va mét diém F, & bén trong clia (C). Tap
hop tim M clia cdc dudng tron (C’) thay d6i nhung ludn di qua F, va tiép xiic (C) la duong

nao sau day?
A. Puong thang. B. Buong tron. C. Elip. D. Parabol.

Céu 352. [0H3-3] Khi cho 7 thay d6i, diém M (5cost;4sint) di dong trén duong nao sau day?
A. Elip. B. Duong thing. C. Parabol. D. Pudng tron.
D - VI TRi TUONG POI

Céu 353. [0H3-3] Elip (E): —; y_6 =1 va duodng tron (C): x>+ y*> =25 ¢6 bao nhiéu diém chung?
A. 0. B. 1. C.2. D. 4.

CAu 354. [0H3-3] Cho Elip (E) :;—;+%2 =1. Dudng thang d:x=—4 cit (E) tai hai diém M , N . Khi
do:
A. MN:Z%. B. MN:;—? C. MN:% D. MN ==

2
Céu 355. [0H3-2] Puong thing d: y=kx cit Elip (E): —2+% =1 tai hai diém
a

A. d6i xting nhau qua truc Oy . B. d6i xirng nhau qua truc Ox .
C. dbi xtrng nhau qua gbc toa do O. D. Céc khang dinh trén déu sai.
2 2
Cau 356. [0H3-3] Cho elip (E) :f—6+% =1 va duong thing A: y+3=0. Tich cdc khoang cdch tir hai
tiéu diém cta (E) dén dudng thang A bang gid trj nao sau day:
A. 16. B. 9. C. 81. D. 7.
2 2
Cau 357. [0H3-3] Cho elip (E) :f—6+% =1 va dudng thing A:y=3. Tich cdc khoang cach tir hai tiéu
diém cua (E) dén A bang gid trj nao sau day?
A. 16. B. 9. C. 81. D. 7.
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9 o o < A
CANG OAP AN TRAC NGNIEM

11234 |56 7|89 1011|1213 |14 |15|16 |17 |18 19|20
A/B|A|D/ D|C|D/IA|B|C|C|B|D|A| D D|C|]A|C|B
21 | 22123 |24 25|26 |27 |28 29|30 |31 |32|33|34|35|36|37|38|39|40
DI AJIA|]C|C|]A]A/B|C|DIC|D/ DI B|C|A|A|D|D]|A
41 | 42 | 43 |44 |45 | 46 | 47 | 48 |49 | 50 | 51 |52 |53 |54 |55 |56 |57 |58 |59 |60
b/ B/ B|B|/B|]C|]A/B| D C/D|IA|C/ D B|B|B|C|D|D
61 | 62| 63|64 |65|66|67 |68 69|70 |71 72|73 |74 75|76 |77 |78 |79 |80
c/B|lAJC/IA|]C]AIC|]C/DIAJAI D/ AJ]A|D|A|B|B]|A
81 |82 |83 |84 |8 |8 |87 |8 [ 8|90 |91 (929394 |95|96|97 |98 |99 100
AlA|C|lA/D|C|]A|C|D/AC| D/ D/ DA D|D|D|C|B
101102103104 105|106 107|108 109|110 111|112 |113|114|115|116|117|118|119|120
c,B|bD)B/DjA]C|C]|]C/ B|lA/ B|D|C|A|C|B|C|B|D
1211221123124 |125|126 127128129130 | 131 132|133 |134|135|136|137|138|139|140
B|A|D B/A B|]lC/lA|]C/ D/ D C/IA|C|A|B|D|D|A|D
1411421143144 145|146 147|148 | 149|150 | 151 | 152 153|154 | 155|156 | 157 | 158|159 |160
D/A|IA|D/ B|]A|D|IC|B/ B/ D/ D|C|B|A|C|D|]C|C|D
161162163164 165|166 |167|168|169|170 171 172173174 175|176 | 177|178 |179|180

181|182|183|184 | 185|186 187|188 189|190 |191|192|193|194|195|196|197 | 198|199 200

201 (202|203 {204 205|206 207|208 209|210 |211 (212|213 |214|215|216|217|218|219|220

221 (222 1223|224 (225|226 (227|228 (229|230 |231 (232|233 |234|235|236|237|238|239|240

2411242243 244 | 245|246 | 247 | 248 | 249 | 250 | 251 | 252 | 253 | 254 | 255 | 256 | 257 | 258 | 259 | 260

261 (262|263 (264|265 266|267 | 268|269 |270 271 (272|273 (274|275 276|277 |278|279 | 280

281|282 (283|284 |285 286|287 288|289 290|291 (292|293 294 295|296 |297 | 298 | 299 | 300

301|302 |303|304 |305|306|307|308 309 |310|311|312|313 314 |315|316|317 (318|319 320
b p) B¢/ bjcj]c/DIC/ B|IAJAJA/B/A|A|D|C|C|D
321322323324 |325|326|327 (328|329 |330|331|332|333 334 335|336 (337|338 339|340
B|IA|IC/ D/ A(]A|IA/C|D B|B| D D/A|B|A|C|B|D]|A
341|342 |343 344 | 345|346 |347 | 348 | 349 350|351 | 352 | 353|354 |355|356|357 | 358 | 359 | 360
b bpypjc|]CcC|B|/A/ D C|D|C|IA C|]C|]C|B|B
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