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Ld1 cAM ON

Loi cam on dau tién t6i mudn giri toi dai gia dinh Lovebook — Gia dinh thir 2 ciia tdi.
Lovebook da gitp t6i hién thuc héa dugc udc mo viét tron ven 1 lop 1 cudn sach Toan duy nhét dé céc
em hoc sinh ¢6 thé tin tudng dua vao d6 6n thi THPT quéc gia. Cho téi thoi diém hién tai toi va cac
thay c6 da hoan thién dugc Cong Pha Toan 2 (16p 11, link: https:/goo.gl/fZX7eB) va Céng Pha Toan
3 (16p 12, link: https://goo.gl/yxAVVA). Chiing t6i dang nd lyc dé hoan thién tiép Cong Pha Toan 1
(16p 10) mot cach tot nhat. Toi rit mong Lovebook tiép tuc chip canh thém udc mo cho nhiéu ban sinh
vién nhiét huyét nhu t6i va cac thdy c¢d gido dam mé chuyén mén dwoc tao ra nhiing cudn sach tim
huyét va c6 gia trj thuc sy cho hoc sinh. Néu khong gip Lovebook, ¢ 18 t6i da khong theo dudi Toan
nhu bay gid. Tiép theo, & hoan thién cubn sach nay t6i xin dugc giri 16i cam on chén thanh va sau sic
nhét t&i cac thay ¢ gido sau:

1- Thay PANG VIET PONG — Thac si — GV Toan — THPT Nho Quan A, Ninh Binh. Thiy Dong
da giup toi rat nhiu trong viéc hoan thién phﬁn Bai tap tich phan han ché MTCT.

Ngoai ra, thiy Pong ciing thuong xuyén dong vién, an di t6i trong qua trinh hoan thién sach.

2- Thay CHAU VAN DIEP — GV Toan — THPT Yén Mo A, Ninh Binh

Thay Piép da ludn song hanh cing t6i trong qué trinh thdm dinh ndi dung ban thao.

3- Thady NGUYEN THANH GIANG - Gv chuyén Toan - Phé hiéu truong THPT chuyén Hung Yén
(ra d& s6 thang 11/2016)

4- Thay PHAM TRONG THU - Gv chuyén Toan - THPT chuyén Nguyén Quang Diéu - Pong Thap
(ra dé s6 thang 12/2016)

5- Thidy NGUYEN VAN XA - Gv Toan - THPT Yén Phong, Bic Ninh (ra d& s6 thang 1/2017)

6- CO PANG THI QUYNH HOA - Thac si- GV Toan - THPT Nghén, Ha Tinh. (ra dé s6 thang 2/2017)

7- Thay LE BA BAO cung cac thiy c6 trong nhom Cau lac b gido vién tré - TP Hué va céc thay co
tam huyét trong nhom Todn Bic — Trung- Nam. T6i luén ngudng md va tran trong su tim huyét
ctia thay co trong nhom ddi véi cac ban hoc sinh trén toan qudc. Dic biét, thay Bao 1a ngudi sat canh
cung toi nhiéu nhét trong cac bai viét, cac chuyén dé. Néu khong c6 thay Bao, c6 18 toi da khong thé
hoan thién chuyén dé “Sé Phirc” trong mot thoi gian ngan nhu vay.

Tiép theo, t6i cling mudn gui 161 cam on chan thanh nhat t6i cac t6 chire, don vi sau di tao ra
nhiing d¢ thi thir thuc su chat luong:

1- Céc thay ¢6 6 S6 GD — DT Hung Yén

2- Cac thay c6 t6 Toan — THPT chuyén KHTN — Ha Noi

3- Céc thay c¢6 to Toan — THPT chuyén Lam Son — Thanh Hoa
4- Cac théy 6 t6 Toan — THPT chuyén Su Pham I Ha No6i

5- Céc thay c¢6 to Toan — THPT chuyén PH Vinh — Nghé An

Néu khong c6 ho thi chic chan rang toi va cac em cua toi s& khong thé ¢ dugc nhimng dé thi thir,
nhirng bai tap thuc su chét luong, sang tao dé lam nhu ngay hom nay!

Ngoai ra, tdi cling xin dugc giri 161 cdm on téi chi Nguyén Huong — thanh vién ciia phong bién
tap Nha sach Lovebook. Chi d4 rat tan tinh huéng dan t6i nhitng k§ thuat xtr 1y file word can thiét nht.
Néu khong c6 chi thi c6 18 toi da khong thé hoan thanh cuén sach mot cach bai ban va dep mit.

Cudi cung, t6i xin duoc 10i cam on t6i hon 100 000 ngudi em dang follow facebook toi
(https://www.facebook.com/huyenvu2405) va Mail (huyenvu2405@gmail.com). Néu khong c6 nhiing
tin nhin, comment, email d6n nhan tai liéu, tinh cam cua toi thi c6 18 toi da khong c6 dua dong luc dé
hoan thanh cudn sach nay. Tinh cam va sy tin tudng cua ho danh cho t6i da tao dong luc gitip t61i manh
mé, vuot qua nhitng kho khan va la 1dm trong quang thoi gian sinh vién nim Nhét con non nét. Cac em
clia toi d3 tré thanh mot phan khong thé thiéu trong cudc doi toi. Toi biét on cac em rat nhiéu!

Mot 1an nita, NGOC HUYEN LB xin cam on tat ca!
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BE ON LUVEN S0 1

Cau 1: Két luén nao sau day la khong dung vé do
thi ham s8 y = ax’ +bx’ +cx+d (a#0)?

A. Db thi ham s6 bac ba luén cit truc hoanh tai
it nhat mot diém.

B. D6 thi ham s6 bac ba nhan diém c6 hoanh d6
la nghiém cua phuong trinh y"=0 lam tam d6i
xuing.

C. Néu phuong trinh ' =0 ¢6 2 nghiém phan
biét thi d6 thi ham s6 bac ba cé mot diém cuc dai,
mot diém cuec tiéu.

D. P06 thi ham s6 bac ba khong ¢6 diém cuec tri
khi va chi khi phuong trinh y' =0 v6 nghiém.

X2 +3x+1

Cau2:Ham s y = dong bién trén:

x+1
A. (—oo; —1) Vé(—1;+oo). B. (—oo; —1) U(—l,' +oo).
C. R. D. (-1,1).

Cau 3: Cho d thi ham s6 y = f(x) =x" -2x* -3

nhu hinh vé bén. Ttr d6 thi suy ra dugc s6 nghiém

cua phuong trinh ‘x‘* —2x° —3‘ =m voi me (3;4)

la:

y}\

a7

A.3 B.2 C. 4 D.6

x+1
2x+3

Céau 4: Cho ham s6 y = (C). Tim tat ca cac
diém trén d thi ham s3 (C) o6 tong khoang cach

dén 2 duong tiém can la nho nhat.

M(-1;0) M(-1,0)
M(-2;1) M(l;%)
C. M(-1;0) D. M(-2;1)

Cau 5: Cho ham s6 y:x+2

6 do thi (C) thi

x-1
phuong trinh ctia @6 thi ham s (C ') d6i xtng voi

(C) qua goc toa d6 O la:

_x=2 B _2-x

x+1 ¥ x+1

x+2 x—1
C.y= D. y=

y x+1 y x+2

Cau 6: Biét do thi ham s8 y=x" +bx® +¢ chi ¢6
mot diém cuec tri 1a diém o6 toa d6 (0;-1) thi b va
¢ thoa man diéu kién nao?

A.b>0vac=-1 B.b<0 vac=-1

C.b>20vac>0 D.b>0 vactuyy.
Cau 7: Véi gia tri nao ctia m thi duong thang
y=x+m di qua trung diém cua doan néi 2 di€ém
cyc tri ctia d6 thi ham s6 y =x> — 6x% +9x7?

A.0 B.1 C.2 D.3
Cau 8: Goi M va m Ian luot la GTLN va GTNN cua
ham s§ y=xV1-x* trén tap xac dinh. Khi d¢

M —m bang:
Al B.2
C.3 D. dap s6 khac.

Cau 9: Huyén c6 mot tdm bia hinh tron nhw hinh
vé, Huyén mudn bién hinh tron d6 thanh mot
hinh cai phéu hinh nén. Khi d6 Huyén phai cat bo
hinh quat tron AOB r6i dén hai ban kinh OA va
OB lai véi nhau. Goi x 1a géc & tam hinh quat tron

duing lam phéu. Tim x d€ thé tich phéu 16n nhat?

R
g
B
Ny g
A.&n B. L crt pD. X
3 3 2 4

Cau 10: D5 thi ciia ham s§ y =x° - 3x cat:
A. duong thang y =3 tai hai diém.
B. duong thang y =—4 tai hai diém.
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C. duong thang y =§ tai ba diém.

D. truc hoanh tai mot diém.
Cau 11: Tim s6 ménh dé dung trong nhitng ménh
sau:

(1) Néu ham sd f(x) dat cyec dai tai x, thi x,

duoc goi 1a diém cye dai ctia ham so.

(2) Gid tri cuee dai ( gia tri cuc ti€u) caa ham sd
con duoc goi la cuc dai (cuc tiéu) va duoc goi
chung 1a cyc tri cua ham s6.

(3) Cho ham s& f(x) 1aham s& bac 3, néu ham
s8 ¢4 cuc tri thi d6 thi ham s8 cét truc Ox tai 3 diém
phan biét.

(4) Cho ham s6 f (x) la ham s6 bac 3, néu do
thi ham s6 cit truc Ox tai duy nhat mot diém thi
ham s6 khong cd gia tri cuc tri.

Al B.2 C.3 D.4
Cau 12: Giai phuong trinh log (x2 +3x+ 5) =2.

A. x :g B. phwong trinh VN.
C x= =3 D. x= =
5 3
Cau13: Giatricta log ,a voia>0 vaaz1 bang;
A.3 B. 1 C.-3 D. -1
3 3

Cau 14: Cho g, b la d0 dai hai canh goc vuong, c la
d6 dai canh huyén ctia mot tam gidc vudng, trong
do (c—b) #1va (c+b) # 1. K&t luan nao sau day la
dang?

A.log ., a+log ,a=2 (logHb a).(logkb a)

B. log ,a+log, ,a=-2 (logHb a).(logkb a)

C.log, a+log ,a= (logc+b a).(logﬂ_b a)

D. log, a+log ,a= —(logHb a).(logc_b a)

Cau 15: Tap xac dinh ctia ham so:

y= /logl (x—3)—1 la:
3

A. D=|3 B. D=|3
3 3
C D:(—w;%} D D:(3;+oo)

Cau 16: Mot hoc sinh giai bai toan: “Biét
log,, 5=a;log, 7 =b;log, 3=c. Tinh log, 35" lan
Iwot nhu sau:
I. Ta c6 a=log,, 5=log 5 =%log3 5. Suy ra
log, 5=3a nén log, 5=1og, 3.1og, 5=3ac.
1
IL. Twong tu, b=log,7 =log , 7 = glog2 7

=log,7=3b.
IIL Tt d6: log, 35=log, 2.log, (5.7)

1
log

3ac+3b  3ac+3b
log,2+log,3  1+c

(log2 5+log, 7) =

2
Két luan nao sau day la dung?
A. Loi giai trén sai tir giai doan 1.
B. Loi giai trén sai tit giai doan II.
C. Loi giai trén sai tir giai doan III.
D. Loi giai trén dang.
CAu 17: Dao ham ctia ham so:
f(x) :ln(x + M) la:
A. f‘(x)=; B. f'(x)=
x+x +1 x*+1
1241 1+ +1

C fix)=—YE X D)=

( ) x+vxt+1 ( ) 2(x+ x2+1)

Cau 18: Goi T = ! p
1 1 1 1

log, x ! log, x ' log_ x ’ log, x
véia, b, ¢, d, x thich hop d€ biéu thtc cd nghia.
Diéng thiec nao sau day la sai?

A.T=log,  x
B. T =log_ abcd

1

CT=———
log  abcd

1

D.T=
log a+log b+log c+log d

22x2—7x+5 -1

Cau 19: S6 nghiém ctia phuong trinh
la:

A.0 B.1 C.2 D.3
Cau 20: Chon khang dinh sai trong cac khang dinh
sau:

A.logx>0<=x2>1

B. log,x<0&<0<x<1

6 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem
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C.log,a>log, b<a>b>0

3 3

D. log,a=log, b<=a=b>0

3 3
Cau 21: Biét thé tich khi CO, trén thé giéi nam
1998 1a V(m’). 10 ndm tiép theo, thé tich CO,
tang m% so voi nam lién trudc, 10 ndm tiép theo
nita, thé tich CO, tang n% so v6i nam lién trudc.

Tinh thé tich CO, nam 2016?

v v ((100+m)(100+n

2016 — ¥ 2
107

I (o

100+ m)" (100 + 1)
B. V6 y )103§ ) (m)

Co Vo =V + V(14 m+n)” (m?)

D.V

18
e = V(1+m+n)" ()
Céu 22: Ho nguyén ham ctia ham s6:

4x* —5x* -1
y=——>""7""

> la:
x
3_ 2_
A. JM—SZJCldxzbcz —5x+l+C
X X
3_ 2_
B. JM—SZJCldx=x2 —5x+l+C
X X

C. JM_—SZJCZ_ldx =2x? —5x+1n|x|+C
x

3_ 2_
D. dex=2x2 —5x—l+C
x? X

Cau 23: Mot bac tho xay bom nuwdce vao bé chira
nuoc. Goi h(t) 1a thé tich nwdc bom dwoc sau t
gidy. Cho h'(t)=3at* +bt vaa, bla tham s6. Ban
dau bé khong cd nudc. Sau 5 gidy thi thé tich nude
trong bé la 150m°. Sau 10 gidy thi thé tich nwdec
trong bé 1a 1100 m’. Tinh thé tich nudc trong bé
sau khi bom dwoc 20 giay.

A. 8400 m® B.2200m> C.600 m> D. 4200 m’
Cau 24: Ménh dé nao la sai trong cac ménh dé sau:

A. j.(x3 —xz)dx = j.(x2 —x3)dx

0 1

1

(x3 —xz)dx =Z[(x3 —xz)dx+£(x3 —xz)dx

D.

o —

1 1
(x3 —xz)dx = Jx%lx—szdx
0 0
3
Cau 25: Cho tich phan [ = J.sin x\8+ cosxdx . Dat
0

u=8+cosx thi két qua nao sau day la dung?

9 8
A.zzzfﬁdu B.I:%[ﬁdu
8 9

C. I:j'\/;du D. I:Jg.x/;du
9 8

Cau 26: Dién tich hinh phéang gi6i han boi d6 thi
ham s8 y =x’ -6x% +9x, truc tung va tiép tuyén
tai diém c6 toa d6 théa man y" =0 duoc tinh bang

cong thirc nao sau day?

A. j(—xs +6x° —12x+8)dx
0
B. (x3 —6x7 +12x—8)dx

C. (—x3 +6x* —10x + 5)dx

Ol ) O

w

D. J(x3 —6x? +10x—5)dx
0

Cau 27: Thé tich vat thé tron xoay duoc gidi han
boi cac dudng y=+v1-x*;x=0;y=0 khi quay
quanh truc Ox khong duoc tinh bang cong thiic

nao sau day?

2
A. n.l[(l—xz) dx B. ch.(l—xz)dx
0 0

3
C. n(x _x_]
3

Cau 28: Tim phan thuc, phéan ao cua s6 phtc sau:

1
D, 2%
0

3-1 2+i
Tt
1+i 1

?

A. phan thyc: a=2; phan ao: b =—-4i

B. phén thuc: a=2; phan do: b=-4

C. phan thye: a=2; phan ao: b =4i

D. phéan thuc: a=2; phan ao: b=4.
Cau 29: Cho a;beR. Ménh dé nao sai trong
nhitng ménh dé sau?

A. Hiéu cua mot s6 phtec va sd phtic lién hop
cia no la mot s6 thuan ao.

B. Tich cua mot s6 phttc va sd phtc lién hop

ctia nd 1a modt sd ao.
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C. Diém M(a,b) trong mot hé toa do vudng
g6c cia mat phang duwoc goi la diém biéu dién s§
phtc z=a+bi.

D. M6 dun cta s0 phttc z=a+bi la
2| = Ja* 12,

Cau 30: X4c dinh tap hop cac diém biéu dién s§

. |
phttc z sao cho — 1la s6 thuan ao?
z

A. truc hoanh

B. truc tung

C. truc tung bo diém O.

D. truc hoanh bo &iém O.
Cau 31: Giai phuong trinh sau z* +2iz+15=0.
Khi d6 tap nghiém S ctia phuong trinh la:

A. S={1+3i;2-5i}  B. S={-3i;5i

C. 5={3;-5i} D. S={2+3i;1-5i}
Cau 32: X4c dinh tap hop cac diém trong hé toa do
vudng goc biéu dién s§ phiic z=x+iy; (x,y<R)
thda man diéu kién |z| =27

A.DPuodng tron x* +y* =4

B. Duong thang y =2

C. Puong thang x =2

D. Hai duwong thang x=2 va y=2
CAau 33: Cho cac diém A, B, Cva A’, B’, C’ theo th&
tu bidu dién cac s8 phtic:

1-4; 2+3i; 3+i va 3i; 3-2i; 3+2i.

Khang dinh nao sau day la ding?

A. Hai tam giac ABC va A’'B’C’ d6ng dang.

B. Hai tam gidc ABC va A’B’C’ c6 cung trong
tam.

C. Trung diém M cua AB d6i xing voéi trung
diém N cua A’B’ qua goc toa do.

D. D6 dai canh BC bang d6 dai canh A'B’.
Cau 34: Cho s6 phtic z, =3+2i; z, =5+6i . Tinh
A=zz,+5z +6z2,?

A A=48+74i B. A=18+54i

C. A=-42-18i D. 42 +18i
Cau 35: Mdi dinh cta bat dién déu 1a dinh chung
cua bao nhiéu canh?

A.3 B.5 C.8 D.4

Cau 36: Goi V la thé tich cua hinh 1ap phuwong
ABCD.A’B’'C’'D’. V, la thé tich ctia t& dién A’ABD.
Hé thitc nao sau day la dung?

A. V=6V, B. V=4V,

C. V=3V D.V =2V,
Cau 37: Cho mat phang (P) chtta hinh vuong
ABCD. Trén duong thang vudng goéc véi mat
phang (P) tai A, 1dy diém M. Trén duong thang
vudng goc véi mat phang (P) tai C 14y diém N (N
cting phia véi M so v6i mat phang (P)). Goilla
trung diém caa MN. Thé tich cta t& dién MNBD

lu6n c6 thé tinh dwoc bang cong thitc nao sau day?

1 1

A. V = E'AC'SIBD B- V = EAC'SBDN
1 1

C.V ZEBD,SBMN D.V :EBD.SMBD

Cau 38: Cho hinh chit nhat ABCD nhu hinh vé.
Goi M, N Ian luot la trung diém ctia AB va CD.
Tinh thé tich hinh tru thu duwoc khi quay hinh chi®
nhat ABCD quanh truc MN? Biét AB=a; BC=b.

A M B

2

AV =%n dvtt B. V = a®br dvtt

2 2

C. V:a—bn dvtt D. V:ﬁn dvtt
12 3
Cau 39: Cho mit cau tdm O, ban kinh R =13 . Mat
phing (P) cit mit cdu sao cho giao tuyén la
duong tron di qua ba diém A, B, C ma AB=6;
BC =8;CA=10. Tinh khoang cach tir O dén (P)?

A.10 B.12 C.13 D. 11
Cau 40: Cho hinh chép S.ABCD c¢6 day ABCD la
hinh ch* nhat ¢6 AD=24,AB=a, canh bén

SA = a2 vudng goc voi mét phang day (ABCD).

8 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem
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Goi M la trung diém ctia canh BC. Tinh ban kinh
khoi cau ngoai ti€p hinh chop S.AMD?

ame gl ol el

6 4 2 3

Cau 41: Thiét dién qua truc cia mot hinh nén 1a
mot tam gidc vudng can cé canh géc vudng bang
2. Tinh dién tich xung quanh ctia hinh nén?

A. 272 dvdt B. 21 dvdt

C. 4n/2 dvdt D. 4n dvdt
Cau 42: Trong khong gian vdi hé truc toa do Oxyz,
cho tam giac ABC co A(1;1;3);B(2;6;5) va toa do

trong tam G(—1;2;5) . Tim toa d6 diém C.

A. c(—6;—1;7) B. c(6;1;7)
C_C(—_w,._z_ﬁj D, C(m;gyj
37 3" 3 3'3"3

Cau 43: Cho diém I (1;2;3). Viét phuong trinh
mdt cau (S) c6 tam [ va cat mat phang
(P) :X+Y+2z+3=0 vdi thiét dién 1a hinh tron c6

duong kinh bang 2.

A (S):(x-1) +(y-2) +(z-3) =25
B. (S):(x~1) +(y-2) +(z-3) =24
C. (8):(x-1) +(y-2) +(z-3) =1

D. (S8):(x-1) +(y—2) +(2-3) =23
Cau 44: Viét phuong trinh mat phang (o) di qua
diém M (1;-2;3) va song song véi mit phing
(B):2x-3y+z+5=0.
A. (0):2x=3y+z+11=0
B. (o) :4x—6y+2z-22=0
C. (a):2x+3y+z-11=0

D. (a):4x-6y+2z+22=0
Cau 45: Cho mgt phang (oc) c6 phuong trinh
3x+5y—z-2=0 va duong thang d c6 phuong

x-12 y-9 z-1
3

trinh . Goi M 1a giao diém cua

duong thang d va mat phang (OL) . Mit phang (B)
di qua M va vudng géc véi duong thiang D cb
phuong trinh la:
A. (B):4x+3y+z+2=0
()
()

(B):4x+3y+z-2=0

B. (B):—4x+3y+z+2=0
C.(B):4x-3y+z-2=0
D. :

Cau 46: Trong khong gian Oxyz, cho 4 di€ém
A(-2;6;3), B(1,0;6), C(0;2;1), D(1;4;0). Tinh
chiéu cao AH cua tit dién ABCD?

36 24
A.dz_ B.d:—
J76 V29
Cd=—2 D.d=2
J29 24
Cau 47: Xét vi tri twong d6i ctia cap dwong thang
) x=2-2t'
g: XL Y=2 273 g ly— o4t ta ket
1 3 -1 ,
z=1+3t

luan hai duwong thang nay:
A. Chéo nhau. B. Trung nhau.
C. Song song. D. Cat nhau.
Cau 48: Trong khong gian vdi hé toa do Oxyz, cho
ba diém A(1;1;3);B(2;3;5);C(—1;2;6). Xac dinh
diém M sao cho MA +2MB—2MC =0.
A. M(7;3;1) B. M(-7;-3;-1)
C. M(7;-3;1) D. M(7;-3;-1)
Cau 49: Cho mat cau (S) c6 phuong trinh:
X+ +20 —4x—2y+2z+5=0 va mat
(P) :3x -2y +6z+m=0. (S) va (P) giao nhau khi:
A.m>9 hodc m<-5 B. -5<m<9
C.2<m<3
Cau 50: Tim m d€ phuong trinh:
X+ +2 =2(m=1)x+2(2m=3)y+2(2m+1)z+11-m=0

phang

D. m>3 hoac m<2

la phuong trinh mot méat cau?
B.0<m<1

C.m<-1hoacm>2 D.-1<m<?2

A. m<0 hoac m>1
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STUDY TIPS
Dé€ biét ham s& dong bién,
nghich bién trén khoang
nao ta thuwong xét ddu ctia
dao ham dé két luan.

Cong Pha Todn The Best or Nothing

1D 2A 3D 4A 5B 6A 7A 8A 9A 10C
11B 12B 13B 14A | 15B 16D 17B 18B 19C | 20C
21B 22A | 23A | 24C | 25D | 26A | 27A 28B 29B 30C
31B 32A | 33B 34A | 35D | 36A | 37A | 38A | 39B | 40C
41A | 42A | 43A | 44B 45A | 46B | 47D | 48A | 49B | 50A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Mé¢énh dé A: Trang 35 sach gido khoa Giai tich co ban 12 ¢6 bang vé cac dang do
thi ctia ham s8 bac 3. Va c6 thé két luan rang day la ménh dé ding. Tt bang d6
thi ta cling suy ra cau C la ménh dé dung.
Ménh dé B: Day la ménh dé dung (hodc néu ban chura chac, trong qua trinh lam,
ban doc c6 thé d€ lai ménh dé d6 va xét ménh dé tiép theo).
Mé¢énh dé D: Day la ménh dé sai, vi sao lai nhu vay. Ta thady néu phuong trinh
y'=0 v6 nghiém thi d6 thi ham s6 bac ba diang la khong ¢ diém cuec tri, nhung
d6 c6 phai la toan b treong hop cé thé xay ra hay khong? Khong, vi néu phuong
trinh y'=0 ¢ nghiém kép thi d6 thi ham s6 bac ba ciing khong c6 diém cuc tri.
(Nhu bang trang 35 SGK).
Cau 2: Pap an A.
Cidch 1: Cach giai toan thong thuong: Vi day la ham da thitc c6 bac tit 16n hon
bac mau, nén dé tim dao ham mot cach nhanh chéng, quy doc gia nén chia da
thitc ttr s8 cho da thite mau sd nhu sau:
Diéu kién: x # -1

22 +3x+1 2x+1
= =x+

x+1 x+1°
Khidéy':1+2'1_1'21:1+ L ~>0 Vx=-1
(x+1) (x+1)

Vay ham s6 dong bién trén (—oo; —1) va (—1; +oo).

Cidch 2: Dung may tinh Casio.

Nhin vao cach 1 ta thdy cach lam nay kha nhanh, nhung trong phong thi nhiéu
khi cac ban c6 thé bi r6i trong cach dao ham,... Vi th€ ¢ day t6i xin gioi thiéu voi
quy doc gia mot cach lam nita sit dung may tinh nhu sau: Do sau khi dao ham
ax’ +bx +c

thi y' codang y'= ( 1)2
X+

2
Nhap vao may tinh: i(ﬂ] .101%. An = ( Ly giai vi sao lai nhan

dx x+1

x=100
v6i 101%: 13 do ta da gén cho x =100 nén (x+1)° =101*. Muc dich cua ta la di

N s A2 ’ 2. A ? \ A 4 ?. ' \ Al 2
tim biéu thitc tit s6 cia dao ham nén ta co tir s6 dao ham =y .(x + 1)

7] Math A 8 Math A
d [ XZ+3%K+1 1
ﬁ[ ;1-+1+ ]l:n::ib ‘L]|x=1oox1mzl
10202
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STUDY TIPS

Nhiéu doc gia khong nhé 1o
li thuyét nén béi roi gitra y
A va B. Nhung hay nh¢ ki
trong chuong trinh 12
ching ta chi hoc dong bién,
nghich bién trong mot
khoang, mot doan (ntta
khoang, ntta doan) ma
khong cé trén mot tap gia
tri nhé.

STUDY TIPS

Pé bai chi cho ta dit kién vé
ham sg, tie d6 ta phai di tim
2 tiém cin cua d6 thi ham
s0. Nhw & dé sd 2, t6i da chi
cho quy doc gia cach tim
nhanh tiém can khi dé cho
ham phan thic bac nhat
trén bac nhat roi.

Khi d6 may hién két qua:
42 +2 1

1+
(x+1)2

10202 =102 02 = x* +2x+2 = y' = _
(x+1)

Quay lai nhw cach 1.
Cau 3: Dap an D.
S8 nghiém cua phwong trinh ‘x“ -2x% - 3‘ =m 1a s8 giao diém ctia 2 d6 thi ham
{y=h<x>=|f<x>|<c>

y=m (d)
Khi hoc tw luan day chinh la bai toan suy dién dd thi quen thu¢c. Vi ham
h(x) =|f(x)| <6 h(x)=h(~x) nén h(x) 1a ham chin c6 &6 thi d&i xtmg qua Oy.

, v6i y=m la dudong thang cing phuong véi truc Ox.

Cich suy dién: Gilt nguyén phan d6 thi ham s6 phia trén truc Ox, 18y ddi xtimg
phan d6 thi duwdi truc Ox qua Ox. Khi d6 ta c6 d6 thi nhuw sau:

A

y

A

Nhin vao d6 thi ta thdy véi m €(3;4) thi d cét (C) tai 6 diém phan biét. Vay véi

=

O X

me ( 3;4) thi phuong trinh c6 6 nghiém phan biét.
Cau 4: Dap an A.
Diéu kién: x # _73
TCN: y:l (d1) ; TCD: x:_—3 (dz).
2 2

. x +1
Goi M| x ;—=
" 2x,+3

] 1a diém nam trén do thi (C). Khi dé:

x, +1 1

d(M;d,)=

d(M;d,)= =

Tacod d +d, =

+
2 2[2x, +3|
bén day ta c6 thé nghi ngay dén BDT quen thudc, BDT Cauchy.
|2x0 + 3| 1 11

+ >2,/—.—=1
2 2[2x, +3] V22

Ap dung BDT Cauchy ta c6:
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Cong Pha Toan The Best or Nothing

STUDY TIPS
Nhan xét vdi
M(x,;y,) thi diém M' ddi

diém

xung voi M(xﬂ;yo) o toa

do (—x“;—yo).

STUDY TIPS

Ham s6 da cho la ham s6
bac 4 trung phwong va xac
dinh trén R . Cung xem lai
bang trang 38 Sach gido
khoa Giai tich co ban ma t6i
da noi dén voéi quy doc gia
0 dé s6 2 (muc dich caa viéc
t6i nhic lai vé bang nay
trong sach la d€ quy doc gia
xem lai né nhiéu lan va ghi
nho no trong dau).

|2x0 + 3| B 1
~2[2x, +3|

x=-1= M(-1,0)
x=-2=M(-2;1)

Dau béang xay ra khi o (2x, + 3)2 =le

Phén tich sai [im: Nhiéu doc gia dé bi nham 1an khi tinh khoang cach gitra diém

M dén 2 duong tiém can. Khi thay y :% chéng han, doc gia sé bdi r&i khong biét
ap dung cong thiec tinh khoang cach nhu thé nao.

Ta co y:%<:>0.x+y—%=0

X -0+y,, —1‘

V02 +17

thi vi tim ly ctia quy ddc gia rat cing thang nén nhiéu khi cic dang duong thang

Vay cong thitc tinh khoang cach ¢ day la d = . Trong khi lam bai

bién tau sé lam cac ban bd ngd doéi chut. Vi thé hay luyén tap that ki d€ cé mot

két qua xiing dang nhé!

Cau 5: Pap an B.

Ta cé: —y —r +2<:>y _20h, .Bap an B.
Co—x, -1 |

Phin tich sai ldm: Nhiéu doc gia nham lan gitra ddi xting qua O voi ddi xting

qua truc Ox, d8i xting qua truc Oy, dan dén khoanh vao cac dap an con lai. Mot
loi khuyén cho quy ddc gia dé la néu khong nhé 16 kién thikc ¢ thé vé hinh ra
va xac dinh toa do ctia cac diém ddi xiing, sé rat nhanh thoi, hay ludn gitt dau 6c
sang sudt trong qua trinh lam bai ban nhé.

Cau 6: Dap an A.

Ham sb da cho da thoa man diéu kién a=1>0, nén dé€ d6 thi ham s& da cho chi
c6 mot diém cyece ti€u thi phuong trinh y'=0 ¢6 mot nghiém duy nhét.

Ma y'=4x" + 2bx = 2x(2x" +b).

Dé phuong trinh y'=0 c6 nghiém duy nhéat thi phuong trinh 2x* +b=0 vd
nghiém hodc c6 mot nghiém x=0. Khido v>0.

Con diéu kién cta c thi sao, dé da cho toa d6 cia diém cuc tiéu, tir d6 ta cd thé
dé dang tim duoc c=-1.

Cau 7: Dap an A.

Luc dau khi doc dé bai, ban doc c6 thé bi bdi roi khi dé bai cho qué nhiéu thi: 2
diém cuec tri, trung diém ctia 2 diém cuec tri, bién m, duong théng d. Nhung thuee
ra day la mot bai toan tu duy rat co ban.

Dé bai néi rang tim m d€ duong thang di qua trung diém 2 diém cyec tri cta d6
thi ham s8 y=x> —6x” +9x, thi ta di tim 2 diém cuec tri r6i tir d6 suy ra toa do
trung diém, thay vao phuong trinh ctia dwong thang da cho réi ta tim duogc m.

Y =3x —12x+9-0| >
x=1

= Hoanh d6 trung diém ctia 2 diém cyc trila x, =2

=M (2; 2) la trung diém cta 2 diém cuc tri cua d6 thi ham s6 bac ba da cho.

Thay vao phuong trinh duong thang ta dwoc 2=2+m < m=0.

12 | Khai bao sach chinh hing tai: congphatoan.com dé nhan 100 dé thi thii ting kem
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STUDY TIPS
That can than trong tinh
toan, néu thoi gian gip rut
trong qua trinh lam bai, ban
c6 thé d€ cau nay lam cudi
cling vi tinh todn va &n kha
phtec tap.

STUDY TIPS
Vi day la dang toan tim
nhén dinh ddng nén quy
doc gia nén di kiém tra tinh
ding dan cta timg ménh
dé mot.

Cau 8: Dap an A.
Ham s6 y=xV1-x* xdc dinh trong doan [—1;1].

x? _1- 2x*
Tacod y'=v1-x* - ——
x:i
y'=0< \/51 .
X=——

-1 _1
2 Y 2

\ 1 -1
Ta Ian Iuot so sanh cac gia tri: y(—l) = O;y(l) =0; y[— = —
V2 V2

1 1

Vay M—m=———2-1
Y 2 2

Cau 9: Dap an A.
Vi bai nay doc gia can nhé lai cong thic tinh d¢ dai cung tron. Po dai cung tron
AB dung lam phéu la: Rx =2nr

2.2
<:>r—— h=+\R*> -1 =,|R* - Rx R

47? 27‘C

47* — x*

Thé tich cai phéu la:
3

V=F(x )=—nr h—;j —x’\4n® —x* véi xe(0;2n).
T

R? x’ (8752 - 3x2)

Ta co f'(x)=24n2. N
f'(x)=0<:>8n -3x* —0<:>x—in

Vi day la bai tap trac nghiém nén ta c6 thé két luan ludn rang thé tich ctia cai
phéu 16n nhat khi x =¥TC.V‘1 ta dang xét trén (O;2n) ma f(x) =0 tai duy
nhat mot diém thi ta ¢6 thé lam nhanh ma khong vé bang bién thién nita.

Cau 10: Pap an C.

V6i ménh dé A: Phirong trinh hoanh d9 giao diém cua 2 d6 thila: x* —3x=3. Badm
mdy tinh ta thdy phuong trinh chi ¢6 mot nghiém thuc. Vay chi ¢6 1 diém. Dap
an A sai.

V6i ménh dé B: Xét phuong trinh hoanh do giao diém ctia 2 d6 thi: x* —3x=—4.
Bam mdy tinh ta thdy phuong trinh ciing chi c6 1 nghiém, vay dap an B sai.

V6i ménh dé C: Xét phuong trinh hoanh d¢ giao diém cua 2 d6 thi: x° - 3x= g
Bam may tinh ta thdy phuwong trinh c6 3 nghiém phan biét. Vay ménh dé nay
dung, ta chon ludn dap an C.

Cau 11: Pap an B.

Voi ménh dé (1): day la ménh dé dung, ta cung nhd lai chu y trang 14 sach gido
khoa co ban nhé:
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Cong Pha Toan The Best or Nothing

STUDY TIPS
Day 1a cau hoi giai phuwong
trinh logarit “kiém diém”.
Quy doc gia nén ndm chic
kién thitc vé logarit d€ giai
khong bi sai sot.

“Néu ham sd f (x) dat cuc dai (cuc tiéu) tai x, thi x, duoc goi la diém cuc dai
(di€m cyec ti€u) cta ham sg; f (xo) dugc goi la gia tri cuc dai (gia tri cuc ti€u)
ctia ham 8, ki higu 1a f,, (f; ), con diém M (x,; f(x,)) duoc goi la diém cwc
dai (diém cuc tiéu) ctia d6 thi ham s6.” Mong rang quy ddc gia nhé 16 ting khai
niém, tranh nham céac khai niém: “diém cuc dai ciia ham s6” , “diém cuc dai ctia
d06 thi ham s6”, “gia tri cuc dai”,....

Voi ménh dé (2), ta tiép tuc xem Chu y 2 trang 14 SGK , va day cling la ménh dé
dung.

Voiménh dé (3): Ta nhan thdy day 1a ménh dé sai, ta chi ldy don ctt vi du nhw hinh
vé bén.

Db thi ham s8 & hinh vé c6 2 diém cyec tri nhung chi cat truc Ox tai duy nhat 1
diém, nén két luan nay la sai.

Voi ménh dé (4): Ta cing nhin vao hinh vé da 1dy lam vi du minh hoa ¢ ménh dé
3 d€¢ nhan xét rang day la ménh dé sai.

Vay dap 4n dung ctia chung ta 1a B: ¢6 2 ménh dé dung.

Cau 12: Dap an B.

Diéu kién: x> +3x+5>0; O<x#1

Phuong trinh < x* +3x +5=x" <:>x=_?5
(khong thoa man). Thay vao diéu kién ban dau thi khong thoéa man, nén ta chon
dap an B.

O day quy ddc gia ciing c6 thé thay vao dé thir nghiém, tuy nhién ban than toi
nhén thdy, giai phwong trinh con nhanh hon ca viéc thay vao tht tieng dap an
mot. Nhung néu ban thiy cach nao nhanh hon thi lam nhé.

Phin tich sai ldm: Nhiéu doc gia khong d€'y x chinh la co s8, nén can diéu kién

0 <x#1.Nén chon ludén phwong an D Ia sai.
Cau 13: Pap an B.

lo a—llo a—l
g,ﬁ 3 gu 3

Phin tich sai ldm: Nhiéu doc gia c6 thé chua ndm viing kién thitc vé logarit va

¢6 nhiing sai [am nhw sau:
- Sai lam thtt nhét: log , a=3log, a=3 . Chon ddp an A la sai.
- Sai [am thit hai: log , a=-3log, a=-3. Chon dap an C la sai.
Cau 14: Dap an A.
Nhin cac dap an quy doc gia cé thé thdy rdi mat, tuy nhién, néu dé'y ki dé bai c6
cho tam gidc vudng vi thé chiing ta c6 dit kién: a* +b* =c”.
Vi & cac co s6 ctia cac ddp an la c+b va ¢ —b nén ta sé bién doi biéu thic ctia
dinh Iy Pytago nhu sau: a* =c* —=b” =(c—b)(c+b). (*)
Ta di phan tich biéu thtrc:
1 1 log, (c—b)+loga (c+b)

1 1 = -
08y 4 + 08, 4 108,, (C + b) * 10ga (C —b) loga (C + b).loga (C - b)
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STUDY TIPS
O déy c6 2 dang diéu kién cac
quy doc gia can luu y d6 la:
a. biéu kién d€ logarit xac
dinh.
b. Diéu kién dé€ cin xac dinh.

STUDY TIPS

Quy doc gia 6 thé dung may
tinh d€ th tling bude lam,
tuy nhién y kién ca nhan toi
thdy néu ng6i bAm may tinh,
ban doc sé ton thoi gian hon
la tw duy ddy. Nén hay tap tu
duy nhiéu nhat c6 thé ban
nhé.

STUDY TIPS
Ta cuing nh¢ lai:
+ Cong thirc:
10; .= log, a (l)
+ Cong thirc:
log, x+log, y =log xy (2)

log, ((c - b) (c + b))

B log, (c + b).loga (c -b

) =log, (az ).logc+b alog, ,a =2log,_, alog , a

1
log, a

(Ta ap dung cong thirc log P = )

Vay dap an dung la dap an A.
Cau 15: Dap an B.

DK x-3>0 x>3
: =
logl(x—3)21 —logS(x—3)21
3
>3 x>3 x>3 10
= o L 10 ©x€|3;,—|.
log, (x-3)<-1"" |x-3<3 xS? 3

Phan tich sai ldm: Nhiéu doc gia quén mat diéu kién dé logarit xac dinh nén dan

dén chon dap an C la sai.

Cau 16: Pap an D.

Lai la mot dang bai doi hoi quy doc gia phai doc va xem xét ki tirng giai doan
ctia bai toan.

Xét giai doan thit nhat: Pay 1a mot giai doan diang. C6 thé nhiéu doc gia boi r6i
doan: log, 5=1log, 3.log, 5=3ac, sau day la 1oi giai thich:

log, 5
Ta c6 log, 5= 10g2 3 log, 5=1log, 5.log, 3
o

2
Twong tu voi giai doan II va giai doan III déu dang.
Vay dap an cudi cung la D.

Cau 17: Pap an B.

2x Va2 +1+x
+
2\/x2+1: N 1

Taco: f'(x)= =
( ) x4t 41 x4+ 41 \/x2+1

P . A “a A a1 A A ; N u .
Phin tich sai ldam: Nhiéu doc gia c6 thé quén cong thirc dao ham Inu=—. Ttrc
u

1

1

la khong tinh #' nhuw sau: f (x) R .
Chon lu6n dép 4n A la sai.
Hodc nhiéu doc gia dao ham nham u' dan dén chon cac dap &n con lai. Vi thé
hay that can than trong tinh toan nhé.
Cau 18: Pap an B.
Ap dung vao bai todn nay ta c6:

1

+ T:
log_a+log b+log c+log d

(ap dung cong thirc (1)). Vay y D dung.

+T (ap dung cong thitc (2)). Vay y C dang.

 log, abed
+ T =log,, ,x (ap dung cong thirc (1)). Vay y A dang.
Chi con lai y B. Vay chuing ta chon B.

Cau 19: Pap an C.
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STUDY TIPS
Day la mot cau giai phwong
trinh mi g& diém, hay can
than trong tinh todn nhé.

STUDY TIPS
Day la mét bai toan tng
dung s8 mii kha don gian.
Tuy nhién vi c6 céc bién m,
n nén quy doc gia dé bi bdi
r6i khi thuee hién bai toan.

22T 1 509 _Tx4+5=0

X =

Njar =

Vay dap anla C.
Cau 20: Pap an C.
Ta lan luot phan tich tieng y mot trong dé.
+V6iy A. Tacd logx>0<logx>logl< x>1 (ménh dé nay dung)
+Voiy B. Twong tie y A ta cé
x>0

log,x<0 < < 0<x<1 (ménh dé nay dung)
log, x<log,1

+Voi y C. Tanhan thdy ménh dé nay sai do co s6 % nam trong khoang (0;1) thi

ddi chiéu bat phuong trinh. Téi xin nhac lai kién thitc nhuw sau:
log x>log y<x<yvoi 0<a<l.

Vay ta khong can xét dén y D khi da c6 dap anla C.

Cau 21: Pap an B.

Ta c6 nhu sau:

Nim 1999 thé tich khi CO, 1a: V, =V + V.-~ y[ 14 1L |-y 1100
100 100 100

2 2
Nim 2000, thé tich khi CO, 1a: V, = V.| 1+ | =y [7+100
100 100

Vay ta c6 quy ludt nén sé nham nhanh nhw sau: ttr nam 1998 dén 2016 la 18 ndm,
trong d6 10 nam dau chi s6 tang la m% , 8 nam sau chi s6 tang la n% . Vay thé
tich sé la:
10 8
m+100)° (n+100) _ (m+100)" (n+100)
Vot = : =V

2

100 100 ' 10* -Papanb.

Cau 22: Pap an A.
Nhin vao phan thitc can tim nguyén ham ta thay da thirc & t&t s6 ¢ bac 1on hon
bAc ctia mau s, nén ta sé tién hanh chia tr s6 cho mau sd ta duoc:

3 2

IM—E?ldxzj[4x—5—izjdx 0¥ Bx414C
x x x

Cau 23: Dap an A.

Nhin vao bai toan ta c¢6 thé nhan ra ngay day la bai toan tinh tich phén, vi da ¢

dao ham. Nén ttr cac dit kién dé cho ta co:
5
= 125u+§b =150.

Z[(E%atz +bt)dt = (aﬁ +%bt2j .

Twong tu ta c6 10004 + 500 =1100.
Vay ttt d6 ta tinh duwoc a=1b=2.

) 20 20
Vay thé tich nudce sau khi bom dugc 20 gidy la: jh'(t)dt = (t3 + tz) - 8400 .
0

Cau 24: Dap an C.
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Quy doc gia cd thé dung
mdy tinh d€ thit néu khong
nhé cong thitc lién quan
dén tich phan nhu trén. Tuy
nhién, chiing ta dang trong
qua trinh on luyén nén hay
on nhé cong thic chee
khong nén dung may tinh
nhiéu. Néu ban doc da rén
luyén duoc kha nang tu
duy t6t, lac d6 ban sé tu
duy nhanh hon la bdm may
tinh rdt nhiéu.
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Ta lan luot di xem xét tirng ménh dé mét. Trude khi di xem xét cac ménh dé, toi

xin cung ¢6 thém cho quy doc gia mot cong thire nhu sau:
b c b
If(x)dx = If(x)dx+jf(x)dx .
Tt cOng thirc trén ta suy ra duwgc ménh dé B 1a ménh dé dung.
b a
Tiép theo v6i ménh dé A: Ta c6 [ f(x)dx = [~f(x)dx , nén ménh dé nay dung.
a b
V6i ménh dé D, ta thdy day la ménh dé dung.
Va chi con dap an C.
Cau 25: Dap an D.
Phdn tich: Ta nhan thay (Cosx + 8)' =—sinx.

3 3
Vay I = jsinx\/8 +cosxdx = —j\/8 + Cosxd(8 + Cosx)
0 0
Déi can:
x 0 n
2
u 9 8

Khi d6 I = —ji\/;du - iﬁdu.
9 8

Cau 26: Dap an A.
Bai toan dat ra cho quy ddc gia kha nhiéu gia thiét: ham sg, truc tung, ti€p tuyén
tai diém cé hoanh d¢ thoa man y"=0.
Budc didu tién: Viét phuong trinh tiép tuyén tai diém udn:
1. Tim diém uén: y'=3x" —12x+9;
y'=(y') = (sz —12x+9)' =6x-12
y"=0<x=2 = diém udn 1(2;2).
2. Tim phuong trinh tiép tuyén tai di€ém udn
y=y'(2)(x-2)+2=-3(x-2)+2=-3x+8.
3. Viét CT tinh dién tich hinh phéng.
Ta c6 d6 thi nhu hinh bén.
Trong khi 1am bai thi ta khong can vé d6 thi, nhung & day, toi van vé do thi dé
quy ddc gia c6 thé hiéu rd rang ban chat cua bai toan:
Vi bai toan tong quat dang:

Tinh dién tich hinh phing gi6i han boi: y = f(x);y =g(x);x=0;x=a, véi a>0
thi S, = ”f(x)—g(x)|dx

0
O day ta c6: Hinh phéng dwoc gidi han boi y = f(x);y =-3x+8x=0;x=2.

(Vi sao tim duoc can 2 thi d6 la do ta xét phuwong trinh hoanh d6 giao diém cua

f (x) va tiép tuyén).
2

Khi d6: S, = [|x* = 6x° + 9x — (~3x + 8)|dx
0
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STUDY TIPS

Trong cudn sach nay toi da
phan tich rat rd phan thuc
va phén ao cua s phtc z,
tuy nhién toi van nhic lai
véi quy doc gia mot Tan
nita: Voi s6 phtec z=a+bi
(a,b€R) thiala phan thuc
va b 1a phan ao. Rat nhiéu
doc gia cho ring bi 1a phan
o la sai.

Ma nhin vao db thi ta thdy 1o réng trén [0;2] thi —3x+8>x" —6x +9x.

Do dé S, = j(—x3 +6x” ~12x +8)dx .

0

Cdch lam nhanh: Khi di thi quy doc gia khong thé c6 du thoi gian d€ ngbdi vé do
thi nhu t6i vira giai thich ki ludng ¢ trén. Chung ta c6 thé lam nhanh nhu sau:
Sau khi da viét dugc phuong trinh ti€p tuyén. Ta bam mady tinh voi mot gia tri
cia xe [0;2] xem ham s nao 16n hon trén doan dang xét, tir d6 pha tri tuyét
do6i. Bay 1a meo lam bai, chi ap dung tuy bai thoi ban nhé.

Cau 27: Dap an A.

V6i bai todn nay ta khong can thuc hién du cdc bude tinh dién tich hinh phang
ma van cé thé tim duoc ddp 4n dting nhu sau:

Thé tich khoi tron xoay duoc gidi han boi cac duong y = f(x);x =a;x=b;y=0;
b
voi a > b khi quay quanh truc Ox la: V = n_[fz (x)dx.

Nhin vao dap an A ta c6 thé nhan thdy ngay ddp én nay sai do
2 2
(Vl—xz) # (l—xz) .
Vi thé nhiéu khi khong nhat thiét quy doc gia phai giai chi tiét bai toan ra, hay
tw duy sao cho nhanh nhét c6 thé ban nhé.
Cau 28: Dap an B.
Phdn tich: Cach lam rut gon co ban:
3-i)(1-1 2+1)i 244 — i —1-4
_( 2)('2 )+( '2 )i i 4i+3 +2i _-1 41+3_(_1+2i) i
17— i 1+1 -1 2

Cach lam trén la cach dién giai vé mat ban chét toan hoc, tuy nhién néu nham

nhanh nhu trén thi kha 1a lau, nén trong khi lam bai thi, quy doc gia cé thé sw
dung cong cu may tinh tro gitp nhw sau:
Buéc 1: chon MODE| — chon 2: CMPLX d€ chuyén sang dang tinh toan véi sd

phtec trén may tinh.

§ A s s 3—1 241
Buwdc 2: Nhap vao may tinh biéu thirc z = CPTAare nhu sau:
+i
. CMPLE @ Math A
Sod  Z4d
141 i

2-4i
bén day, quy doc gia da cd thé giai quyét bai toan nhu dén budc nay ¢ cach trén.
Cau 29: Pap an B.
Phdn tich: Ta lan luot di xét titng ménh dé 1.
Vi ménh dé A: ta c6 z—z = (a+bi)—(a-bi)=2bi day1a motss thuan ao. Vay dép
an A dang.
V6i ménh dé B: ta c6 z.z =(a+bi)(a—bi)=a*~b*.i* =a* +b* (do i =-1),
Day la s6 thuc, vay ménh dé nay sai, ta ¢ thé khoanh luén dap an B ma khong
can xét 2 dap an con lai nita. Tuy nhién, khi quy déc gia dang doc phan phan tich

nay cé nghia la ban dang trong qud tinh 6n luyén, vi thé ban nén doc ca 2 ménh

18 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thii ting kem



25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

STUDY TIPS

R&t nhanh phai khong ban?
C6 thé ban dau quy doc gia
sé thay bdi r6i khéi niém
tap hop diém, nhung cach
lam lai kha nhanh. Vi thé,
hay that sang suét trong
qua trinh lam bai nhé.

dé dtng sau d6 d€ khic ghi né trong dau, c6 thé né sé cé ich cho ban trong khi
lam bai thi.

Cau 30: Bap an C.

Tadat z=a+bi véi a,beR.

Khido 1oL _ a-bi _ a-b
z a+bi a”-b*%" a’+b
/\71 N A ~ A 2 N a N _b
bé — la mot s6 thuan ao thi ——=0va—5——=0.
z a-+b a-+b

Khi d6 z=0+bi 1a s thuan do. Va tap hop cic diém biéu dién s6 phtic z la

duodng thang x =0, ma b =0 do d6 tap hop d96 sé trir di O.

DPap an C.

Cau 31: Pap an B.

Vi bai dang nay thi ta sé nghi dén diéu gi? Ta thdy o day co z, cd i, tai sao ta

khong nghi dén tao ra i° d€ cé phuong trinh déang cdp bac 2 va khi d9 ta sé giai

bai todn mot cach dé dang.

Mot diéu rat ddi quen thudc d6 1a i* =-1.

Ta ¢ thé thém vao phuong trinh nhu sau:

Phuong trinh < z° +2iz-15i* =0 < (z—3i)(z+5i) —0 o| " 3 B
z=-bi

Cau 32: Pap an A.

Deébaicho 2| =2 ¥ +y* =2 2* +y° =4.

Vay dap anla A.

Cau 33: Pap an B.

Ta Tan lwot c6 thé tim duoc toa dd cac diém A, B, Cva A’, B, C’ theo cac dix kién

dé bai

Vi A 1a diém biéu dién s6 phttc 1-i nén A(l; —1). Tuwong tu ta cd B(2;3) , C(3;1)

va A'(O;S);B'(3;—2);C'(3;2). C6 cac dit kién nay, ta Ian luot di phan tich tiing

ménh dé:

Voi ménh dé A: Ta thdy d€ xem xét xem 2 tam giadc c6 dong dang hay khong kha

la 1au, nén ta tam thoi d€ ménh dé nay lai va ti€p tuc xét sang ménh dé B.

Véi ménh dé B: Ta lan lugt tim trong tam cua ting tam giac: ta co G[2;§] ;

G'(2;%J . Nhén thdy G=G' nén ménh dé nay dung, ta khong can tiép tuc xét

cac ménh dé con lai nita, vi chi ¢6 duy nhat mot ménh dé ding can ching ta tim
ma thoi.

Cau 34: Dap an A.

Céch lam trinh bay rd rang vé mat toan hoc nhu sau:
A=(3+2i)(5+6i)+5(3+2i)+6(5+6i)

=12i% +28i +15+15+10i + 30 + 36i = 48+ 74i .

Tuy nhién, néu ban khong c6 tu duy nham tdt, c6 thé nhap vao mdy tinh dé lam

nhuw sau:
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Chon ché d6 phtrc nhu t6i da trinh bay ¢ cau 28. Tiép theo la gan cac gia tri
z, >A;z,>B

Bang cach bam: 3+ 2i A; 5+ 6i B

Va bam biéu thitc: AB+5A +6B =, ta nhan ngay duoc dap an A.

Cau 35: Pap an D.

Ta c6 hinh vé hinh bat dién déu nhw hinh bén.

Vay dap an dungla D. 4

Cau 36: Dap an A.

Taco V =5,,,,.4A" ;V, =%.SABD.AA'
‘ 1 V. 25,,,.AA’
Ma S,y =2 S e =T =6 = V=6V,
S AA

Chii i7: Nhiéu ddc gia tw duy nhanh nén chi xét ti s6 gitta dién tich ddy ma quén
mat rang véi khéi chop thi con tich véi % ntta, va nhanh chéng chon y D 1a sai.
Vi thé, nhanh nhung can phai chinh x4c ban nhé!

Cau 37: Pap an A.

Goi O la giao diém cua AC va BD. Suy ra IO song song v6i AM, suy ra IO vudng
g6c v6i mat phang ABCD = OI L AC

Ma AC L BD; OI va BD 1a 2 duwong thang cat nhau ciing thudc mat phang (IBD).

Khi d6 AC L (IBD); hay AO L(IBD).

d
Ta c6 MN giao véi (IBD) tail = NN I

:@:1:V =V :1V (1)

MIBD NIBD E MNBD
NIBD
. , 1 1 AC
Mt khdc V,,,, =240, === Sy, (2)

Tir (1) va (2) = Vypup =+ ACS,,, . Ddp én A.

MNBD 3
Trén day la cach trinh bay chi tiét d€ quy doc gia cd thé hiéu chi tiét duoc bai
todn, tuy nhién khi lam ma khong phai trinh bay rd rang ra, chi suy luan sé rat
nhanh chtt khong dai dong nhu thé nay. Suy luan nhanh doi hoi d¢ chinh xac
cao, nén cac cong thirc, cac s6 liéu phai that can than, c6 thé ban mdi dat diém
cao ma khong bi mat diém dang tiéc.

Cau 38: Dap an A.

Khi quay quanh truc MN thi khéi dwgc tao thanh sé la hinh tru véi day la hinh
tron cé duong kinh la AB.

AB _a

Khi d6, ban kinh hinh tron la r = > =5

2
Thé tich ctakhditrulda V=Bh=nr’b= a4—bn (dvtt).

Cau 39: Pap an B.
Ta thdy AB® + BC? =CA?, suy ra tam gidc ABC vudng tai B.
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STUDY TIPS
Chi can tinh ¥ nhin ra ring
6; 8; 10 1a by ba s8 Pytago la
quy ddc gia da cd thé giai
duoc bai toan nay mét cach
nhanh chéng

Mt phéng (P) cat mat cau theo giao tuyén la duong tron di qua A, B, C. Tam
giac ABC vuong tai B, suy ra AC la duwong kinh ctia duwong tron = r = CTA =5 la

ban kinh ctua duong tron.
Mt cau c6 ban kinh R=13. Khi d6 ta c6 khoang céch tir tim O dén (P)

h=~NR*-1r* =12.

Cau 40: Dap an C.

Pay la moét bai toan tinh toan khd 1au, néu trong qua trinh lam bai thi, ban thay
né lau qua, ban co thé d€ do6 va lam cac cau tiép theo.

Tuy nhién, dudi day la cach lam bai va phan tich chi tiét cho quy doc gia hiéu
cach lam ctia bai toan nay.

Nhén thay t¢ dién S.AMD c6 AMD la tam giac vudng tai M (Do
AM = MD =\ AB* + BM> =ay2, ma AD =24 = hé thic pytago). Sau day sé la
cac budc dé tim tam ctia médt cau ngoai ti€p hinh chop.

Budc 1: Vé truc duong tron ctia mat phang day.

Goi O 1a trung diém cua AD,suy ra O la trong tam cua tam giac AMD.

Tix O, ké Ox vudng goc véi (ABCD).

Buéc 2: V@ trung trye ciia canh bén va tim giao diém, giao diém do6 chinh la tam
ctia mat cau ngoai ti€p hinh chop.

Ké Ny vudng goc v6i SA, NynOx =1.Khi d6 I chinh la tdm cta mat cau ngoai
tiép hinh chép S.AMD.

Ta chi cAn tinh IS la dwoc.

Ma tam gidc SIN vudng tai N = SI =vSN? + NI* =

Cau 41: Pap an A.

Ta c6 thiét dién qua truc ctia hinh nén 1a tam gidc vuong c6 canh bang 2 <
duong sinh [ =2. Puong kinh ctia hinh tron ddy la canh huyén ctia tam giac
vudng. 2R=+2%+2° =22 = R=12.

Khi d6 S, = n.Rl =22 (dvd).

Cau 42: Pap an A.

DPay la dang toan tim toa d9 diém co ban trong hinh hoc giai tich Oxyz, ta chi 4p
dung cong thitc sau la ¢ thé giai bai toan nay mot cach nhanh chéng:

Trong khong gian vdi hé toa do Oxyz, G la trong tam cta tam gidc ABC thi

1
X. :g(xA +xB+xC)

1
Yo =5 (Va+¥s+ye)

1
z_ :g(ZA+ZB+ZC)

Luc nay ban chi viéc bam may la c6 két qua.
Cau 43: Dap an A.
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STUDY TIPS

Nhiéu doc gia khi dén day
so vao khong thdy c6 dap
an giong y nhu thé nén béi
r6i, tuy nhién néu nhin ki
vao y B thi thdy y B chinh 1a
ddp 4n dung (chi c6 diéu
dap én B chua t&i gian han
nhu két qua ching ta tim
duoc, day van la dap én
dang).

Vi mit cau cit mat phang (P) v6i thiét dién 1a hinh tron c6 duong kinh bang 2
= ban kinh ctia hinh tronla r = % =1.

_|1+2+2.3+3|_2\/g

Khi d6 ban kinh ctia mat ciu la: R=/? + 1 = |1 + (26 )2 5

Khoang cach tlt I d&n mit phang (P) la: h= d(I;(P))

Vay phuong trinh mat cau: (S):(x - 1)2 +(y —2)2 +(z- 3)2 =25

Cau 44: Dap an B.

Mit phang (oc) song song voi (B) suy ra vtpt cia (oc) cung phwong véi vtpt (B)
Khi d6 (oc) codang 2x-3y+z+m=0.

Ma (oc) di qua M(l;—2;3)

Khi d6 phwong trinh < 2.1+ (—3).(—2) +3+m=0<m=-11.

Khi d6 (o):2x-3y+z-11=0.

Vay dap an la B.

Cau 45: Pap an A.

Buéc 1: Tim dugc giao diém cua duong thzfmg vamat phzfmg (a) . Néu dé phuong
trinh dwong thang nhu dé cho quy doc gia sé khong tim duoc toa do giao diém.
Vay tai sao khong chuyén vé dang tham sd t. Chi con mot bién, khi d6 thay vao

phuong trinh mat phang (oc) ta sé tim dugc ngay diém do.

x=12+4t
d:qy=9+3t .
z=1+t

Khi d6 thay vao phwong trinh (oc) ta duoc:

3(12+4t)+5(9+3t)—(1+t)-2=0 <t =-3= M(0;0;-2)

Buéc 2: Viét phuong trinh mat phang (B)

(B) vudng goc voi d = ;ld = ;Z(B) = (4;3;1) , (B) qua M(O;O;—Z)

= (B):4x+3y+z+2=0.

Cau 46: Dap an B

Phién tich: D6 dai dwong cao AH chinh 1a khoang cach tlr diém A dén mit phang
day (BCD).

Vi dé da cho tat ca toa d6 cic diém cua t& dién ABCD nén ta cé thé viét duoc
phuong trinh mat phang day (BCD). Co toa do diém A va phuong trinh mat
phang day ta c6 thé tinh dwoc khoang cach tir A d&n méit phang day.

1. Viét phuong trinh mat phang (BCD) :

Nhu ¢ dé s8 2 toi da dé cap vé cach viét phuong trinh mét phang di qua 3 diém:
BC = (—1,‘ 2; —5);C—D = (1,' 2; —1); ;IBCD = [ﬁf—,a.ﬂ = (8; —6; —4)
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STUDY TIPS
Day la dang toan da duoc
dé cap trong Bai 3: Phuong
trinh duwong thing trong
khong gian sach giao khoa
hinh hoc co ban 16p 12.

(V6i bude nay quy doc gia cd thé ste dung cach baAm may dé€ tinh tich c6 hudng
cta hai vecto va ra duoc toa do ctia vtpt nhu trén).

Khi d6 (BCD) qua B(1;0;6) va co vtpt n=(8;—6;-4).

Khi d6 (BCD):8x—6y—4z+16=0 < 4x-3y-2z+8=0

[4.(-2)-3.6-23+8 24

JE(By (2 ¥

2. Tinh khoang cach: AH =

Cau 47: Dap an D.
x=1+t
Ta chuyén phuong trinh duong thiang d vé dang tham s6 d:{y =2+ 3t

z=3-t
1+t=2-2¢t'
Ta xét heé phuwong trinh <2+3t =-2+t'
3-t=1+3t'

Hé phuong trinh c6 nghiém duy nhét +=-1;¢'=1.
Vay 2 duong thang nay la 2 duong thang cit nhau.
Cau 48: Pap an A.
Vi dang toan nay ta nén viét cong thic tinh tong quat ra dé€ sau do thay s6 vao
s€ nhanh hon: x, —x,, +2(xB —xM)—2(xC —xM):O<:>xM =x,+2x,-2x.=7
Twong tw thi y,, =y, +2y, -2y.=3; z,, =1.
Cau 49: Pap an B.
Mit cau (S) c6 tm 1(2;1;-1), ban kinh R=1.
Ta xét vi tri twong d6i gitta mat phang va mat cau. Cach dé xét vi tri tuong ddi
gitta mit phang véi mat cau 1a so sanh khoang cach tlir tam méat cau dén mat
phang d6 véi ban kinh méat cau.
D& (S) va (P) giao nhau thi d(I;(P))< R

[32-2.1+6.(~1)+n
=

J3+(2) +6
Cau 50: Pap an A.

Ta c6 cong thikc tong quat nhu sau:

<1 <:>|m—2|£7<:>—5£m£9

X4y +28 +2ax+2by + 2cz+d =0 < (x+a)2 +(y+b)2 +(z+c)2 =a’+b* +c*—d
D€ phuong trinh trén 1a phuwong trinh mét cau thi a* +b* +¢* —d >0 (diéu kién
dé cd R)

Ap dung vao bai todn nay ta co:

m>1

_ 2 _ 2 2 _ 2
(m-1) +(2m=3) +(2m+1) +m-11>0 < 9m*-9Im >0 < .
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DE ON LUVEN SO 2

Céu 1: Cho ham s§ y = f(x). Ménh d@é nao ding
trong nhitng ménh dé sau?

A. f'(x)>0 vé6i Vxe(a,b)= f(x) dong bién
trén khoang (a,b) .

B. f(x) >0 véi ¥ e[u,b] = f(x) dong bién
trén khoang [a, b].

C f (x) dong bién trén khoang (a,b)
= f(x) >0,Vx e(a,b).

D. f (x) nghich bién trén khoang (a,b)
= f(x) >0,Vxe (a,b).
CAu 2: D9 thi ham s6 ¢ hinh bén 1a ctia ham s6 nao

duoi day?

\4

A,y:_x3+3x2—1 B.y:—x4+2x2+2

C.oy=x"+2x"+2 D.y=x"+3x" +1
Cau 3: SO diém cuc tri cia d6 thi ham s6
1, \
=——x" —x+7 la?

=73

Al B.0 C.3 D.2
Céu 4: Cho ham sé sau: y = x_—; , nhiing ménh dé

x f—

nao dang trong cac ménh dé sau:

(1): Ham s6 ludén nghich bién trén D =R\ {3} .

(2): D6 thi ham s6 c¢6 moét tiém can dung la
x =1; mot tiém can ngangla y=3.

(3): Ham s6 da cho khong cé cuc tri.

(4): D6 thi ham s6 nhéan giao diém [ (3;1) ctia
hai duong tiém can lam tam ddi xéng.

A. (1),(3).(4) B. (3),(4)

C.(2),3)4) D. (1), (4)
Cau 5: Ham s6 y = le dong bién trén khoang

x°+

nao?

A. (—oo; —1)
C. (-11)

Cau 6: Cho ham s6: y=x* —2x* +2. Cuc dai cta

B. (1;+oo)
D. (—oo;—l) va (1;+oo)

ham s8 bang:

A.2 B.1 C.-1 D.0
Cau7: Chohamsd y = |x| va cac ménh dé sau, tim
ménh dé deing?

A. Ham s6 khong c6 dao ham tai x=0 nén
khong dat cuc tiéu tai x=0.

B. Ham s6 khong c6 dao ham tai x =0 nhung
van dat cuc tiéu tai x=0.

C. Ham s0 c6 dao ham tai x=0 nén dat cuc
tiéu tai x=0.

D. Ham sd c6 dao ham tai x =0 nhung khong
dat cyc tiéu tai x =0.
CAu 8: Gid tri nhd nhit cua ham sO
y=x"—3x" —9x +6 trén [ —4;4 |la:

A. Mgﬁf(x) =-21  B. {\iiﬁf(x): -14

C. M}'ijf(x)=11 D. E\/Iir]zf(x)=—70

—4;4

Cau 9: Gid tri cia m d€ d6 thi ham so

2 - ’ 2,
_X —dmx (C)cét duong thang y=mx -7 (d)
x_
tai 2 diém phan biét la:
A.m>E B.m<£vém¢1
12 12
C.m<E D.ngvémil
12 12

Cau 10: Mot soi day c6 chiéu dai la 6 m, dwgc chia
thanh 2 phan. Phan thit nhat dwoc uén thanh hinh
tam gidc déu, phan thi hai uén thanh hinh vuong.
Hoi d6 dai ctia canh hinh tam giac déu bang bao
nhiéu dé€ dién tich 2 hinh thu duoc la nho nhat?

=
18 3643
A 9+4\/§(m) b 9+4\/§(m)
12 183
4+\/§(m) D. 4+\/§(m)

2

Céu 11: D thi ham 6 y = 21
X —2x

C.

c6 may duong

tiém can?
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A. 1l B.0 C.2 D.3
Cau 12: Nghiém cta phuong trinh:
log, (2x - 3) =5 la:
A. x=3128 B. x=1564
C.x=4 D. x=2
Cau 13: Nghiém cta bat phuong trinh:
log (Zx2 - 4x) >1 la:

A. x>1+\/5 hoac x<1—x/5

B.xe(l—\/g;1+\/g)

C.x<1+ \/5
D. x>1- \/g
Cau 14: Dao ham ctia ham s6 y =log (2x2) la:
2.In10 2
A y'= B. y'=
Y X Y x.In10
1 In10
Cy=—— D.
Y 0 10 2x*
Cau 15: Tap xac dinh cia ham s6 y =log 70 1
x J—
A. (—oo;l) U(3; +oo) B. (3; +oo)
C. (1;3) D. R\ {1}

Cau 16: Khang dinh nao sau day la ludn luén
dung véi moi a, b duwong phan biét khac 1?

A b=a"" B. a=p"

C. log,b=log, a D. a8’ =p'e*
Cau 17: Néu log,6=a va log,7 =0 thi log,7

bang bao nhiéu?
b a
A. 1 7 = B. 1 7 = —
Og3 11_1 0g3 b_l
b
C. log37zm D. log37— 1%

Cau 18: Gia st ti 1€ lam phat cua Viét Nam mdi
nam trong 10 ndm qua la 5%. Hoi néu nam 2007,
gia xang la 12000VND / Iit . Hoi nam 2016 gia tién
xang la bao nhiéu tién mot lit?

A. 11340,00VND /it B. 113400VND / lit

C. 18616,94VND /lit D. 186160,94 VND / lit

X

Cau 19: Tinh dao ham cia ham s6 y = 1 ?
x?
A y':(x+1)2 e: - y'zex(]nx(xz+1)+2x)+1
(xz +1) (x2 +1)
Cy- (x—l)2 e; b, ':e’(hqx(xz +1)2—2x)+1
(x2 +1) (x2 +1)

Cau 20: Néu (x/ﬁ—\/ﬁ)l ><x/§+x/§) thi:

A.x>1 B.x<1 C.x>-1 D.x<-1
Cau 21: Ho tat ca cdc nguyén ham ctia ham s6

f(x):\/3x+2 la:
A. J'f(x)dx: (3x+2)x/3x+2+c

B. jf(x)dx= (3x+2)\/3x+2+c
C. _[f(x)dx (3x+2)\/3x+2+c

D. [ f(x) dx_2 m

Cau 22: Khi quan sat mot dam vi khudn trong

phong thi nghiém nguoi ta thay tai ngay tha x c6

s lugng 1a N(x). Biét rang N'(x) =

099 2 1iic
x

dau sd luong vi khuan la 5000 con. Vay ngay thi

12 s0 lwgng vi khuan la:

A.10130 B.5130 C.5154 D. 10129
Céu 23: Cho do thi ham s8 y = f(x). Dién tich
hinh phéng (phan gach chéo) trong hinh dwoc
tinh theo cong thttc:

yl\
y=f(x)
2\ S—A
A. j;f(x)dx B. ff(x)dx+if(x)dx
C.Tf( dx — jf )dx D. jf dx+jf

Cau 24: Tinh thé tlch cua khoi tron xoay khl quay
quanh truc hoanh ctia hinh phéng giéi han béi d6
thi ham s6 y = x(4 - x) voi truc hoanh?

A. 511—2 (dvtt) B. 2 (dvtt)
c. 22T 512“ (dvtt) D. ﬁ (dvtt)

Cau 25: Tich phan Icosz x.sin xdx bang;
0

A2 B2 c3 D.0
3 3 2
Cau 26: Cho s0 phtic z=a+ bi(a,b € R), ménh dé

nao sau day la sai?
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A. Ddi véi s6 phtec z, a la phan thuc.

B. Diém M(a,b) trong mot hé toa do vuong
gbc ctia mat phang duoc goi la diém biéu dién s§
phttc z=a+bi.

C. Déi voi s6 phtic z, bi la phan do.

D. S6 i duoc goi la don vi do.

Cau 27: Cho s6 phttc z=7 +6i, tinh md dun cua
2z° +1

s0 phuc z, = ?

A.\3217 B.\85  C.3217 D.85
Cau 28: Cho s6 phttc z, =3+2i, z, =6+5i. S6
phtec lién hop ctia s6 phtic z = 5z, + 6z, la:

A. z=51+40i B. z = 51— 40i

C.z=48+37i D. z=48-37i
Cau 29: Goi A la tap cac sO phac thdéa man
22 4o =0 thi Ala:

A. Tap hop moi s6 thuén ao va s6 0.

B. {ii;O}

C. {i;0}

D. {0}

Céu 30: SO phuic thoa man diéu kién nao thi ¢

diém biéu dién 6 phan gach chéo (k& ca bién)?
y
2 < Z 72 X

A. S8 phtic 6 phan thire ndm trong (—1;1) va

mo dun nhé hon 2.

B. S8 phttc c6 phan thirc nam trong [—1; 1] va
mo dun nho hon 2.

C. S8 phtic c6 phan thirc nam trong [—1; 1:| va
mo dun khong vuot qua 2.

D. S8 phtic c6 phan thyc nam trong (—1;1) va
mod dun khong vueot qua 2.
Cau 31: Tinh thé tich khdi rubic mini (mdi mat ctia
rubic ¢6 9 6 vudng), biét chu vi mdi 6 (6 hinh
vudng trén mot mat) la 4cm (coi khoang cach gitra
cac khoi vuong gan ké la khong dang ké)?

A.27 cm® B.1728cm® C.1 cm®  D. 9 cm’

Cau 32: Trong cac ménh dé sau ménh dé nao sai?

A. Hinh tao boi mét s6 hitu han da gidc duoc
goi la hinh da dién.

B. Khéi da dién bao gom khong gian duoc gidi
han béi hinh da dién va ca hinh da dién d0.

C. Mbdi canh ctia mét da gic trong hinh da dién
la canh chung ctia diing hai da giac.

D. Hai da giac bat ki trong hinh da dién hodc 1a
khong cé diém chung, hodc la c6 mot dinh
chung, hodc c6 mot canh chung.

Cau 33: Cho hinh chop t& giac déu S.ABCD . Goi
A’, B’, C’, D’ theo thtt tu la trung diém cua AB, BC,
CD, DA. Khi d¢ ti s6 thé tich ctia hai khéi chdp
S.A'B'C'D' va S.ABCD bang:

1 1 1

A — B. - C.l D. —
2 3 4 8

CAu 34: Khi san xuit vo lon sita Ong Tho hinh tru,
cac nha san xuat luén dat chi tiéu sao cho chi phi
san xudt vo lon 1a nho nhat, tirc 1a nguyeén liéu (sat
tay) duoc dung la it nhat. Hoi khi d6 tong dién
tich toan phan cuta lon sita la bao nhiéu, khi nha

san xudt mudn thé tich cia hopla Vem’?

A% %
A. Stp:33 1 .S,

2 2
C.s, =3,/”Z D.S, =6 ”Z

Cau 35: Tinh thé tich cua vat thé tron xoay thu
dwoc sau khi quay ntta duong tron tam O dwong
kinh AB quanh truc AB, biét AB=47?
A. 2567 (dvtt) B. 32n (dvtt)
256

C. TTC (tht) D. %TC (tht)
Cau 36: Trong khong gian, cho tam giac ABC
vudng tai C c6 duong cao ké tix C la h =%,

CA=a. Khi d6 duong sinh I cia hinh nén nhan
dwoc khi quay tam giac ABC quan truc CA la:
A.l=a  B.l1=v2a C.1=3az D.l=2a
Cau 37: Cho hinh chép S.ABCD c6 day la hinh
chit nhat, AB=a, AD =2a va SA =2a vudng goc
v6i ddy. Tinh thé tich ctia hinh chép S.ABCD?

A. %pﬁ (dvtt) B. 4a® (dvtt)

C. %nf (dvtt) D. 24° (dvtt)
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Cau 38: Mot hinh hop chit nhat ndi ti€p mat cau
¢6 ba kich thwéce la a,b,c. Khi @6 ban kinh r cta

mat cdu bang:

5 B. Va® +1* +¢*
[ 2 2 2
C.JZ(a2+b2+cz) D.%M

Cau 39: Mot hinh tru c6 2 day la hinh tron noi tiép
mot hinh vudng canh a. Tinh thé tich ctia khéi tru
dé, biét chiéu cao ctia khoi tru 1a a?

A. %aSn B. lasn

AL r e

C. %asn D. a’n

Cau 40: Khai niém nao sau day dung véi khoi

chop?

A. la hinh c6 day la mot da giac va cdc mat bén
la cac tam gidc c6 chung mot dinh.

B. la phan khong gian dwoc giéi han boi hinh
chop va ca hinh chop do.

C. 1a phan khong gian dugc gidi han boi hinh
chop.

D. 1a khdi da dién c6 hinh dang 1a hinh chop.
Cau 41: Cho mat phang (P) :5x+6y+2=0.Vecto
phap tuyén cua (P) la:

A. n=(5,6,0) B

C. n=(56,2) D. n=(-5,6,2)

Cau 42: Cho 3 diém A(6,9,1),B(-2,1,-3),

C(-1,1,0). Viét phuong trinh mit phing ( ABC)?
A. (ABC):=6x +5y +2z-11=0
B. (ABC):3x -5y —2z+11=0
C. (ABC):6x—5y—2z-11=0
D. Khong viét duoc do khong du di kién.

CAu 43: Cho mit cau:

(S):(x=1) +(y-2) +(z—6) =25.

Tim tam J, ban kinh R cua mit cau (S)?
A.1(1;2;6);R=5 B. I(-1,-2,6);R=5
C. I(1;2;6);R=25  D.I(-1,-2;-6);R=25

Cau 44: Trong khong gian cho diém A(2,' 6; 9) va

mp (P):x+2y+3z+9=0.Tinh x=§d(A;(P))?

2514 50/14
A- x = x =

7 21
7514
14

D. x=50

Cau 45: Trong khong gian véi hé toa do Oxyz, cho
duong thang A:%=yT_1= z72
trinh mat phing (P) di qua A vacach A (1; 1 3)
mot khoang 16n nhat?

A. (P):=6x +6y—3z=0

B. (P):6x+6y+3z=0

C. (P):6x+12y-21z-28=0

D. Khéng c6 mit phang nao thoa man.
Céu 46: Cho mat cau (S) tam 1(1; 1; 3) ti€p xuc

. Viét phuong

véi mit phang (P):x+2y +2z+9=0. Viét
phuong trinh mat cau (S) ?

A (S):x® +y* +2° —2x -2y —62-36=0

B. (S):x® +y +2° +2x+2y+62-25=0

C. (S):x* +y* +2° —2x -2y —62-25=0

D. (S):x* +y* +2° —2x -2y —62-18=0
Cau 47: Trong khong gian vdi hé toa d6 Oxyz, cho
diém M(2;0;1), im toa d¢ hinh chiéu cua diém
x_—lzz _Z —2?

2 1

A. (1,0;2) B.(-1;1,2) C. (0;2;1) D. (1,1;2)
Cau 48: Trong khong gian véi hé truc toa do Oxyz,
cho 3 diém A(0;6;0);B(0;0;8) va C(4;0;8).
Ménh dé nao sau day la dung?

A. BC vudng goc véi CA.

M 1én duong thang d:

B. BC vudng géc véi mit phang (OAB).

C. AB vuong goc voi AC.

D. A va B déu dang.
Cau 49: Cho m=0
d'x—l_y—3_z+5

va duong thing

cit duong  thang

m 1 m
x=t+5

A:qy=2t+3.Gid tri m la:
z=-t+3

A. mét s6 nguyén duong.

B. mot s6 nguyén am.

C. mot s6 hitu ti duong.

D. mo6t s6 hitu t Am.
Cau 50: Trong khong gian véi hé toa do Oxyz, cho
diém S (1; 2; —1) va tam gidc ABC c6 dién tich bang
6 nam trén mat phang (P) :x—=2y+z+2=0.Tinh
thé tich khéi chép S.ABC ?

26

A. V=26 B. V== C.V=+v6 D.V=4
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STUDY TIPS
Day 1a mot cau héi rat dé
gy sai lam. Véi cau hoi
nhu thé nay, néu khong
ndm chic 1i thuyét nhiéu
doc gia sé khong tim dwoc
cau tra 1oi dung.

Cong Pha Toan The Best or Nothing

STUDY TIPS
Ngoai ra cac em nén tim
hiéu bang trang 38 SGK vé
ham bac 4 trung phuong,
bang trang 41 SGK co ban
vé ham phan thiic bac nhat.

PAP AN
1A | 2D 3B 4B 5C 6A 7B | 8D 9B | 10A
11D | 12B | 13A | 14B | 15A | 16D | 17A | 18C | 19C | 20D
21B | 22A | 23C | 24C | 25B | 26C | 27A | 28B | 29A | 30C
31A | 32A | 33A | 34B | 35D | 36D | 37A | 38A | 39B | 40B
41A | 42A | 43A | 44B | 45A | 46C | 47A | 48B | 49C | 50B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an A.
bay khong phai la mét kién thiee khé qua, khong can tim dau xa, theo dinh ly
trang 6 sach gido khoa ta co:
“Chohamsd y= f(x) c6 dao ham trén K.
a.Néu f'(x)>0 véi moi x thude K thi ham s§ f(x) dong bién trén K.
b. Néu f' (x) <0 v6i moi x thudc K thi ham s6 f (x) nghich bién trén K.”
Chung ta nhan thay rd ¢ day, chi c6 chiéu suy ra va khong c6 chiéu nguoc lai,
vay ching ta c6 thé'loai duocy C.
Vi y B thi ta thdy néu dao ham khong xac dinh tai hai diém dau mat thi ménh
1

2x

xéac dinh tai x =0 nhung van dong bién trén [0; 2] vay r0 rang dau tuong duwong

dé nay khong tuwong duong vi du nhw ham y = Jx c6 dao ham y'=

khong

o day la sai.

Véiy A vaD, soi vao dinh ly chiing ta c6 thé thdy duocy A dang.

Visao y D lai sai. Chiing ta cung nh¢ lai dinh Iy mo rdng ¢ trang 7 SGK, va nhan
thdy ménh dé nay con thiéu rang f (x) =0 tai httu han diém.

Cau 2: Pap an D.

Nhén thay day la d6 thi ham bac ba nén ta c6 thé loai ngay dap an B va C.

Pé so sanh gitta y A va D thi ching ta cung dén v6i bang tong quat cac dang do thi
ctia ham bac 3.

y=ax’ +bx’ +cx + d.(a # 0) (da duwoc dé cap o trang 35 SGK co ban).

Nhin vao bang ta nhan thdy véi y D c6 hé s6 a=1>0 nén ding dang do6 thi ta
chon dap an D.

Cau 3: Dap an B.

Ta tinh dao ham cta ham s6 dugc y'=-x* -1, nhan thdy phuong trinh y'=0
vO nghiém, nén dap an dung la B, khong co cuc tri.

Cau 4: Dap an B.

Ta phan tich trng ménh dé mot:

(1): O ménh dé nay, nhiéu quy ddc gia sé c6 sai [am nhu sau:

Viy'= ( =2 )2 <0 Vx e D nén ham s6 nghich bién trén D.
x-3

Phin tich sai lim: O séch gido khoa hién hanh, khong gi6i thiéu khai niém ham

s0 (mét bién) dong bién, nghich bién trén mot tap s6, ma chi gidi thiéu khai niém

ham s6 (mot bién) dong bién, nghich bién trén mot khoang, mot doan, nira
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khoang (ntra doan). Vi thé ménh dé (1) néu stra lai ding sé 1a “Ham s6 nghich
bién trén (—00;3) va (3; +oo) J
(2): Cach giai thich rd rang vé mdt toan hoc:

limy=1; limy=1= duong thang y=1 la tiém can ngang ctia d6 thi ham s6.

X—>+00 X—>—00

lim y = —o0;lim y = +o0 = duong thang x = 3 1a tiém can dtng ctia d6 thi ham sd.

x—3 x—3"
Vay ménh dé nay la sai.
Tuy nhién minh hay nhdm nhanh bang cach sau (chi 1a 1am nhanh thoi)
D&i v6i ham phan thitc bac nhat nhuw thé nay, ta nhan thdy phrrong trinh mau s§
< x=3= dayla TCD.

Con tiém can ngang thi y = (hé s6 ctia x & tir s8) + (hé s6 ctia x & mau sd). O vi
du nay thi y = % _1 chinh1a TCN.

(3): bay 1a ménh dé dung. Ham phan thirc bac nhat khong c6 cyec tri.

(4): Tt viéc phan tich ménh dé (2) ta suy ra duwoc ménh dé (4) nay la ménh dé
dung.

Vay dap an dung cta chung ta la B. (3), (4).

Cau 5: Dap an C.

2 2
Cadch 1: Lam theo cac budc thong thuong: y'= X r1- x.22x S 12 .
(x2 + 1) (x2 + 1)

Ta thdy voi x e (—1;1) thi y'>0.

Vay dap an dung la C.

Cadch 2: Dung may tinh CASIO fx-570 VN PLUS.

Ta c6 thé nhap ham vao may tinh, dung céng cu TABLE trong may tinh:

Bugc 1: an nat | MODE| trén mdy tinh

m Math Buéc 2: An7 dé chon chitc nang 7:TABLE , khi d6 may s€ hién f(x)= ta nhap ham
fl=tisy vao nhu hinh bén.
An 2 Jan = va may hién START?, ta 4n -3 =, may hién END? Ta an 3 =. STEP? Ta
gitt nguyén 1 va an =. (Ly giai vi sao chon khoang xét 1a -3 dén 3: vi ¢ dap an la
cac khoang (—oo, —1);(—1, 1);(1; +oo)

vi thé ta sé xét tir -3 dén 3 d€ nhan ro6 dugc xem ham s6 dong bién nghich bién
trén khoang nao?)

Buc 3: Sau khi két thic cac bude trén mdy sé hién nhw hinh bén.

o] Math
é *} Ffﬁ:a O bén tay trai, cot X chinh 1a cac gid tri ctia x chay tir -3 dén 3, 6 tay phai cot F(x)
al -1l -mis

chinh la cac gia tri cua y twong tng véi X & cot trai. Khi an nat — (xudng) ta
nhén thay tir gia tri X=-1 dén X =1 la ham F(x) c6 gia tri tang dan, vay &
khoang (~1;1) 1a ham s& dong bién.

Vay dap an dung la C.

Cau 6: Dap an A.

Nhin qua dé bai thi ta c6 thé danh gia rang day la mot cau hoi dé an diém, tuy

nhién nhiéu ddc gia dé mac sai [am nhu sau:
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1. Sai lam khi nham lan cac khai niém “gia tri cuc dai (cuc dai), gia tri cuc tiéu
(curc tiéu)”, “diém cuc dai, di€ém cuc ti€u” cia ham s6.

O day chiing ta cting nhéc lai nhitng khai niém nay:

“Néu ham sd f (x) dat curc dai (cuc tiéu) tai x, thi x, dwoc goi la diém cyc dai
(diém cwc tiéu) ctia ham s6, f(x,) dwoc goi la gid tri cuc dai (gia tri cwe tiéu) con
goi 1a cuc dai (cyc ti€u) ctia ham s6. Diém M (xo i f (xo )) duoce goi la diém cuc

dai (diém cuc tiéu) cua do thi ham s6.”

K= -3i%) -(5-30 0
|

| [:xz_

CMPLZ @ Math A

CMPLY 0] Math A

Bin)-CE-300p
10679-100001

Chting ta nhan thay néu nham 1an gitta cac khéi niém diém cuc dai caa ham s6,
va cue dai ctia ham s6 thi chic han quy ddc gia da sai khi nham 1an gittay D, C
véi 2 y con lai. Vi oy D la diém cuc dai ctia ham s6 chit khong phai cuce dai.

2. Sai Jam khi phan biét gitra gia tri cuc dai va gia tri cuec ti€u ciia ham s6:

O day vi day 12 ham bac bén tring phwong c6 hé s6 a=1>0 nén d6 thi ham s
c6 1 diém cuc dai tai x =0 (xem lai bang dang ctia d6 thi ham trung phuong trang
38 SGK) => gia tri cuc dai ctia ham s'1a y, = f(0)=2. Vay dap 4n la A.

Cau 7: Dap an B.

.o (=) 2x _ x
Ta cé y —(\/;) —W—ﬁ

Ta c6 thé loai ngay hai phwong an sau vi ham s6 nay khong cé dao ham tai x = 0.

= ham s6 khong c6 dao ham tai x=0

Tuy nhién ta thay ham s& van dat cuc tiéu tai x=0. Nén dap an B dtng.
Cau 8: Dap an D.
Day 1a mot cau hoi dé 18y diém. D& tim dwgc GTNN ctia ham s6 trén doan

[—4;4] ta giai phuwong trinh y'=0< =

Ta lan luot so sanh f(—4), f(4), f(-1), f(3) thi thay f(—4)=-70 lanho nhat.
Vay dap an dung la D.

Cau 9: Dap an B.

Céch giai nhanh bang MTCT.

Thay x #3. Vay phuong trinh hoanh d6 giao diém ctia d6 thi phai c6 2 nghiém
phan biét khac 3.

Phuong trinh < x* = 3mx =(mx —7)(x - 3)

Dung may tinh an nat chon 2: CMPLX (dinh dang s6 phtc)

Nhap vao may tinh nhu sau: (X* - 3iX) - (X - 3)(iX-7)

An CALC va gén X =100 tir 6 man hinh hién két qua nhu sau:

10679 =106 79 =x* + 6x + x =21 =x* +7x - 21

10000 =1 00 00 = x>

Vay phuong trinh < x* +7x - 21— mx* =0 (1-m)x* +7x-21=0

£(3)=0

D€ phuong trinh cé 2 nghiém phan biét khac 3 thi
prHons shemp ' {72 ~4(1-m).(-21)>0

a1 A . . s 1
Vé dau cta hé ta khong can giai dé sau do thay vao. Phuong trinh (2) o m< %

vam=#1.
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(_3 . MathWA
s=Yalue Minimum=

S4-2445
11

Phin tich sai lim: Rat nhiéu em hay mac sai lam la thiéu mét diéu kién la 2

nghiém phan biét khac 3 1a sai. Nhiéu doc gia khéc lai mac sai lam khi giai bat
phuong trinh cudi cuing, nham dau, khong dao dau bat phuong trinh,... Vi thé
quy ddc gia phai hét strc can than tinh toan khi lam bai.

Céau 10: Dap an A.

Goi d¢ dai canh hinh tam gidc déu la x (m) khi d6 d6 dai canh hinh vuong la
6—3x

4
2
Tong dién tich khi d 1a: 5= Y3 2 463 :»l«9+4J§%?—36x+3q
1 i )16
Dién tich nhé nhat khi x= 0= —18 _
2a 94443
18

Vay dién tich Min khi x =

9+4\/§'

Hodc dén day ta c6 thé bam mady tinh giai phuwong trinh (9 +443 ) x* —36x +36

dn bang va hién gia tri nhuie hinh bén.
Day chinh la dap an A ma ta vira tim duoc ¢ trén.
Céau 11: Pap an D.

Giai phuong trinh x* —2x=0< r=
x

Tacod limy=-o0 ; lim=+00 ,suyra x=0 la1TCD.

x—0" x>0

limy =+ ; lim =—o0, suyra x=2 la1TCD.

x—2" x—>2

limy=2, lim=2, suyra y=2 lal TCN.

Vay dap anla D, 3 tiém can.
Céu 12: Dap an B.
Phuong trinh < 2x —3=5" < x=1564. Dap an B.
Nhén xét: O day, nhiéu doc gia khong ndm rd duoc kién thixe ly thuyét vé logarit,
nén giai sai nhw sau:
Huéng gidi sai 1:
log (2x-3)=5<2x-3=5<x=4= dap an C.
Hudng gidi sai 2: log, (Zx - 3) =5<2x-3=1 (vinghi VP :% =1 = dapanD.
Vi thé & day, t6i mudn chi y véi quy doc gia rang, can nam rd ban chat cdi ngudn
cac khai niém délam bai thi mot cach chinh xac nhat, tranh nhitng sai [am khong
dang co.
Céau 13: Dap an A.
x<0

Diéu kién
x>2

x>1+\/g
x<1—\/g.

Khi d6 bat phuong trinh < 2x* —4x>10<2x* -4x-10>0<
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STUDY TIPS
Day la mot cau dé &n diém
nén ching ta can cha y can
than ting chi tiét:
O day c6 2 diéu kién can
dap ung:
1. Diéu kién d€ ham phan
thirc c6 nghia
2. biéu kién d& ham log xac
dinh

STUDY TIPS

Néu khéng nghi ra huéng
giai quyét nao, ta cd thé
dung may tinh va thay 2 s6
a, b bat ki théa man yéu cau
dé€ soat dap an (do ludn
dung). Ta cling chon duoc
dap an D.

STUDY TIPS
Pay la bai toan tng dung
vé ham s6 mit ma chung ta
da hoc, bai todn rat don

gian.

Gi6i thiéu thém: trong mdy tinh Casio 570 VN Plus ¢6 tinh nang giai bat phwong
trinh da thitc bac 2, bac 3. Cac ban chi can 4n — mii tén xudng va chon
1: INEQ (inequality), sau d6 chon cac dang bat phuwong trinh phu hop.

Cau 14: Dap an B.

Tacod (logu u)' = u.ilrila . Ap dung vaoham s tréntacé y' = 2x:.113;10 = x.1r2110 =
dap an B.
Cau 15: Dap an A.
Vay ta co {x;tl < >3
: (x=3)(x-1)>0 " |x<1

Cau 16: Pap an D.
Nhén thay 4, b 1a 2 s6 duwong phan biét:
b=1
Voiy A < log, b=logh <= logh _ logh < logb =loga.logh <
loga a=10
(khong luén dung véi moi g, b)
Tuwong te voiy B.
logh loga

VoiyC.Taco C & ——
loga logb

(do a, b) phan biét nén dang thtrc khong dung.
Theo phuong phap loai trir ta chon dap an D.

Ta cung chitng minh dap 4n D.

D < loga®" =logh'®" < logb.loga=1loga.logb (luén dung)

Cau 17: Pap an A.

Véi dang bai biéu dién mdt logarit theo 2 logarit da cho thi budc dau tién la
chuyén log co s6 can tim vé co s6 ban dau, réi phan tach nhu sau:

log,7 b b

log,3 log,6-log,2 a-1

Cau 18: Dap an C.

Tuy nhién nhiéu d6c gia c6 thé méc sai [am nhu sau:

Loi giai sai:

Gié xéng 9 nam sau la: 12000(1+0.05).9 = 113400VND / lit .

Va chon A hay B (do nhin nham chéang han).

Loi gidi diing:

Gi4 x&ng nam 2008 1a: 12000(1+0.05)

Taco log,7 =

Gié xang nam 2009 la: 12000(1+0.05)’

Gié x3ng ndm 2016 1a:12000(1+0.05)’ ~18615,94VND /lit
Cau 19: Dap an C.
Day la bai toan tinh dao ham doi héi quy doc gia phai nhé cong thizc. Ta cling

nhic lai cac cong thitc dao ham can st dung: (Ej :w ; (e")' =e*
v v

f(x+1)-2xe" (x-1) ¢

Vay & day y'=€ (x + ) 2xe :(x 1) e

(x2+1) (x2+1)

. Vay ta chon dap an C.

2
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STUDY TIPS
Nhiéu ban hay sai khi thiéu
© hodc thiéu binh phuong
nén chon cac dap an con lai.
Cac ban chit y nhé chinh
xac cong thitc va tinh toan
that can than nhé.

d @ Math
gz ‘0 x=n
Ngoai ra cac ban c6 thé st dung nut trén may tinh roi
thtt titng ddp an, tuy nhién day la mot bai toan dao ham kha don gian nén ta
khong can thiét st dung may tinh, sé lam ton thoi gian hon rat nhiéu.
Céu 20: Dap an D.
Ta thay VT c6 thé nhan lién hop dé tao ra co sd & VP.

o1 e (2] > o e (Vi3 i2) > (i3 iz

Dén day rat nhiéu doc gia méc sai [am ma chon ¥ C. Do mudn lam bai that nhanh
chéng ma khong dé€'y dén yéu td la can phai cdn than. Do co sd 0 < J13-12<1
nén bpt < x <-1.Dap an dingla D.

Cau 21: Pap an B.

1 1

Day la dang tim nguyén ham co ban Iu”dx =—F——u" +c.
u .(n + 1)

Ap dung cong thirc trén vao thi:

o= (57 e BT
3.(1 1]

2
Ngoai ra ta c6 thé &n vao mdy tinh va thir tirng ddp an mot, trong may tinh ta st
[ @ Math
u]
[P
dung nut |
Cau 22: Dap an A.

Thuyec chat day 1a mot bai toan tim nguyén ham. Cho N'(x) va di tim N(x).
Ta ¢ j ioﬂdx =2000.In1+ x|+ 5000 (Do ban dau khéi luong vi khuan 1a 5000).
+Xx

V6i x =12 thi s6 lugng vi khuan la ~ 10130 con
Cau 23: Pap an C.

Nhin vao db thi ta thdy f(x)>0 véi xe[-2;0] =6, = j f(x)dx
2
f(x)SO voi xe[0;3] =5, =Tf(x)dx=—if(x)dx.Ta chon dap an C.
3 0

Phin tich sai lim: Nhiéu ddc gia nghi ct tich phan S, thi x phai chay tir s6 bé

dén s6 1on. Tuy nhién ta phai xét rd xem f (x) am hay duwong trén doan d6. Vi
sai lJam nay nén nhiéu ddc gia sé chon dap an D. Hodc nhiéu ban nham d&u gitra
X va f(x) nén chon dap an B la sai.
Cau 24: Pap an C.

b

Vi dang nay ta can nh¢ cdng thitc tinh V= nj £ (x)dx (dvtt).

Déu tién ta tim giao ctia d6 thi véi Ox ta duwgc x=0v x =4.

Luc nay ta chi can nhép biéu thirc vao mdy tinh nhu sau:
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STUDY TIPS
Day la mot cau hoi li thuyét
rat dé gay hidu Tam. Vi thé
cac ban doc gia nén doc ki
ting ménh dé dé két luan
xem ménh dé nao dung,
ménh dé nao sai.

- @ o Math A
m) 3 CRO4-RK0) 20
S1z
s T
Vay dap anla C.
Céu 25: Dap an B.
Cdch 1: Céc ban ddc gia thdy ¢ day siny=—(cosx)"

b
Ta sé€ chuyén vé dang If(u)u'dx .

Giai toan thong thwong:
—jfcos2 xd(cosx) = ot x|"= —l(cosn —cos0) = —l(—l -1)= 2

0 3 0 3 3 3
Cdch 2: C4c ban chi can nhap vao mdy tinh 1a c6 két qua, day la cau hoi dé &n
diém nén cac ban ddc gia luu y can hét stec can than trong tinh toan dé€ khong bi
mat diém phéan nay. Nhap két qua vao may tinh ta tinh dwgc dap an B. Cac ban
nhd chuyén sang ché d6 Radian khi tinh todn nhé.
Cau 26: Dap an C.
V6i ménh dé tht nhat va ménh dé thit 3, ta cung quay lai v6i trang 130 SGK co
ban: “D&i v6i s6 phitc z = ax + bi, ta ndi a la phan thuec, b la phan ao ctia z.”
Vay ta co6 thé suy ra A dung, C sai.

Phin tich sai lim: O day rat nhiéu ban nghi ring cau C la dting vi thé dan dén

bdi r8i trong viéc xét cac cau con lai. Tuy nhién cac ban doc gia nhé ki rang phan
a0 chi c6 b ma khong c6 i. Cadc ménh dé con lai la ding, tuy nhién cac ban nén
doc ca nhitng ménh dé d6 va ghi nhé ludn, vi ching ta dang trong qua trinh 6n
tap nén viéc nay la rat can thiét.

Cau 27: Dap an A.

Cdch 1: Cach giai toan thong thuong:

2
2(7+61) +1 i 2 i
.- ( 3) =98+16813+721 +1 =27+3168129+56i do =1

Dén day nhiéu doc gia khong nhé kién thiic md- dun 1a gi dan dén két qua sai

khong dang c6 nhu sau:
(M6 dun cua z,) =9 + 56 =3217 = d4p an C.
Vi thé quy doc gia can nam rd cac cong thirc:

, €6 gid tri |z| = |a + bi| =+va’ +b* , hay chinh l1a

Mo dun cta sd phute z ki hiéu 1a |z

d6 dai ctia vecto OM (v6i M 1a diém bidu dién s& phtic z = a+bi).

Cdch 2: Cach bam may tinh nhanh:

Néu ban nao ¢é tu duy nhdm t&t thi c6 thé nhdm nhanh theo cach trén, con néu
tw duy nhdm khong duoc tét, cac ban c6 thé thao tac trén mdy tinh nhu sau: (boi
vi nhiéu khi thoi gian cac ban nhdm con nhanh hon la thoi gian cdm may tinh
lén va bam ting nut)

Buéc 1: An nut trén mdy tinh, chon ch& @ phitc 2: CMPLX bang cach &n
nat s6 2.

Buwdc 2: Nhap vao may tinh nhu sau:
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STUDY TIPS
Nhiéu ban bdm nham may
tinh c6 thé ra cac két qua
khac nhu C hodc D. Vi vay
mot [an nia t6i khuyén cac
ban cAn hét sttc cAn than khi
doc d@é bai, khi tinh toan.

STUDY TIPS

Nhiéu doc gia gap bai toan
nay sé thdy béi roi, va thw
cac gia tri B, C hoac D vao
thdy thao man sé khoanh
ngay, d6 la cac két qua sai.
Vi thé cac ban can giai ra
xem két qua rd rang nhw
thé nao nhé!

STUDY TIPS
bay la mot bai toan an
diém, nhung néu doc
khéng Ki ting cau chi
trong dé bai cac doc gia rat
6 thé sai

CMPLY ] Math A
FIT+EL1Z 41
| 3

9+5bi

Tt d6 ta tim dwoc s phtic z, va di tinh m6 dun s& phitc nhu cach 1.
Cau 28: Pap an B.

Quy doc gia Ian luot thé z,,z, vao biéu thic z tir d6 tim dwoc z. Hodc nhap vao
mady tinh nhu cdc bude da hudng dan 6 Cau 27 thi ta tinh dwoc két qua nhu sau:
z=5(3+2i)+6(6+5i) =51+ 40i.

Dén day nhiéu ban voi vang khoanh A, dan dén két qua sai. Vi & day la tim s8

phtec lién hop ctia z chit khong phai tim z. Vay dap an cua ta la B.

Cau 29: Pap an A.

Ta cé: < a’ +2abi+b*i* +a° +b* =0 < 2a” + 2abi =0

& 2a(a+bi)=0 (do ## = 1) & |*~°

a+bi=0<2z=0

V6i a=0 thi z=0+0bi lasd thuan ao.

Véi z=0.

Vay dép an dung la A.

Cau 30: Bap an C.

Nhé lai khai niém vé diém biéu dién s6 phitc, cing xem lai & dap an B, cau 26.

Vay 6 day ta thdy néu 1ay mot diém bat ki trong phéan gach chéo 1a M (a,b) thi
-1<a<1

{OM <2

Vay dép an ctia ching ta la C.

Phin tich sai ldm: Nhiéu ban khong phéan biét duoc gitra cac khai niém “nho

hon” va “khong vueot qua”.

O day vi du: khong vuot qua 2 1a bao gom ca 2. Con nho hon 2 1a khéng bao gom
2. Hodc nhiéu ban quén khéng tinh ca cac diém nam trén duong tron trong phan
gach chéo, va cic di€ém ndm trén 2 duong thang x = —~1;x =1 trong phan gach
chéo. Dan dén khoanh vao cac dap an con lai nhw A, B hodc D.

Cau 31: Dap an A.

Ta c6 khoi rubic nhw hinh bén.

Huéng sai 1: Nghi rang mdi canh ctia 6 vudng 1a 4 nén chiéu dai mdi canh cta
khdi rubicla a=43=12=V =12’ =1728 = B.

Huong sai 2: Nghi rang chu vi moéi 6 vudng la tong d6 dai caa ca 12 canh nén
AN N e X 2 1 A A ] ? A . \
chiéu dai moi canh la 3 nén do dai canh ctia khoi rubic la:

a=%.3=1:V=13=1:C.

Huong sai 3: Nham cong thire thé tich sang cong thic tinh dién tich nén suy ra y
D.

Cach lam ding: Chu vi cia mét 6 nho la 4 cm nén d6 dai mdi canh nho 13 1em,
vay d0 dai canh cta khéi rubicla: a =3.1=3cm = V =3.3.3 =27cm’. Dap én A.
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STUDY TIPS
Dé€ ¢ thé lam duoc cac cau
tric nghiém ly thuyét mot
cach nhanh chéng, cac ban
nén ndm chic kién thic li
thuyét, phan biét r6 rang
tieng khai niém, va dac biét
la hiéu r6 ban chat cac dinh
ly, khai niém trong sach
gido khoa (mot phuong tién
rat can thiét trong viéc on

thi THPT QGQG).
A A’ B
D’ B’
D o C
STUDY TIPS

bay la bai toan vira két hop
yéu t6 hinh hoc va yéu t6
dai s6. Yéu t6 hinh hoc &
day la cac cong thiee tinh
dién tich toan phan, dién
tich xung quanh, thé€ tich
ctia hinh tru. Con yéu t6 dai
s6 & day la tim GTINN cua
S

tp*

Cau 32: Dap an A.

Day 1a mot cau héi ly thuyét doi hoi quy doc gia can nam viing cac kién thiec vé
khéi da dién, hinh da dién, toi xin dwoc nhic lai nhu sau:

Hinh da dién la hinh duoc tao boi mét s6 hiru han cac da giac thoa man hai tinh
chat:

a. Hai da giac bat ki hodc khong c6 diém chung, hodc ¢6 mét dinh chung, hoac
c6 mot canh chung.

b. Mbi canh ctia da gi4c 1a canh chung ctia dting hai da giac.

+ Khdi da dién la phan khong gian dwoc gidi han bdi mot hinh da dién, ké ca
hinh da dién do.

Vay tir cac thong tin ma to6i da dua ra & trén, quy doc gia c6 thé nhan ra duoc cac
y B, C, D 1a cac dap an dung. Con dap an A khong thoa man tinh chat ctia hinh
da dién, thiéu hin 2 diéu kién du quan trong d€ c6 hinh da dién. DPap an A.

Cau 33: Dap an A.

Phdn tich: Ta thdy 2 hinh chép S.ABCD va S.A'B'C'D'. Cé chung chiéu cao ké
tte dinh S xudng day. Vay dé di tim ti sd khoang cach thi ching ta chi can tim ti
s0 dién tich 2 day ma ta ¢ hinh vé nhu sau:

Ta thay:

S

BeD —==5 =>—L =
A'B'C'D 2

2 2 ABCD v

2
:A'D'.A'B'Z{aﬁ] S Vaper 1
2 ABCD

Phén tich sai lim: O day cha yéu quy doc gia c6 thé bi sai Jam vé mét tinh toan,

nén mot [an nita t6i xin lwu y rang, khi lam bai thi, mong rang quy ddc gia hay
8 gang that can than trong tinh toan dé 1am bai thi mot cach chinh xac nhét.
Cau 34: Dap an B.

14

Pébaicho V=Bh=nR*h=h=
nR?

)
Stp = qu + ZSday =2.1R* +2nRh =2 (nRz + nR.sz =2 (RRZ + Kj

nR R
bén day ta c6 hai hudng giai quyét, d6 1a tim dao ham r6i xét y'=0 roi vé bang
bién thién tim GTNN. Tuy nhién ¢ day t6i gioi thiéu dén quy doc gia cach lam
nhanh bang BDT Cauchy.
Ta nhén thdy ¢ day chi c6 mot bién R va bac ctia R 6 hang tir thit nhat 1a bac 2,
nhung bac cta R ¢ hang tr thit 2 chi 1a 1. Vay lam thé nao dé€ khi ap dung BDT

Cauchy triét tiéu dugc bién R. Ta sé tim cach tach % thanh 2 hang t& bang nhau

dé khi nhan vao triét tiéu duoc R* ban dau. Khi d6 ta ¢ nhw sau:

2
5 =2 nR 4 L4 L 22.3,#i = dap an B.
4 2R 2R 4

Cau 35: Pap an D.
Khi quay ntta duong tron quanh truc AB ta dwgc khéi cau tam O, ban kinh
AB _ 2.Khiddé V =énR3 =é.n.23 =2n (dvtt).
2 3 3 3
Nhiéu ban ¢é thé nhé nham cong thirc tinh thé tich khéi cau thanh cong thitc tinh

dién tich mt cdu S =4nR>dan dén chon phuong 4n B 1a sai. Hodc nhiéu ban lai
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STUDY TIPS
Cén than trong tinh toan va
nhé ki cong thuc. Nhiéu
doc gia quén mat % nén
dan dén tinh sai cong thikc,
mot cau hoi rat dé in diém.

STUDY TIPS
Nhiéu ban tim dwoc duong
kinh ctia hinh tron lai quén
khéng chia 2 dé tim béan
kinh nén ap dung cong thikc
ludn dan dén tinh toan sai
va chon nham két qua.

gitt nguyén duong kinh AB nhu thé va 4p dung cho cong thikc véi ban kinh dan
dén khoanh y A, hay y C. Nén cac ban lvu y doc that ki dé bai va nhd chinh xac
cong thtec.
Cau 36: Dap an D.
Puong sinh cta hinh nén quay duoc thuc chét chinh la canh huyén AB ctia tam
giac vudng ABC. Ma tam giac vuong da cé mot canh bén va duong cao, ta chi
can ap dung cong thirc hé thiec luong trong tam giac:
1 1 N 1 - 4 1 1
W CA* CB* 34> a* CPB
Cau 37: Dap an A.

1 1 1 1 4
E'SABCD h= E'SABCD SA = EABADSA = 5.{1.251.251 = 5613

= CB=aV3= AB=2a (theo dinh ly Pytago).

\%

S.ABCD
Cau 38: Dap an A.

Ta c6 tam ctia médt cau ngoai ti€p hinh hop chit nhat trung véi tam doi xing cta
hinh hép. Nhu hinh 1ap phuong ABCD.A’B'C’'D’ ¢6 tam la I, la trung di€ém cta

AC,ban kinh r = %

Tam gidc A’C’A vudng tai A’ = AC'=JAA?+A'C? =\* + A'C" (1)
Mt khac tam giac A'D'C'vuong tai D’

= A'C'=JA'D*+D'C? =\a* +* (2)

Tir (1) va (2) taco 1= o +b7 47

Cau 39: Pap an B.

Ta c6 hinh vé bén.

Ta thay hinh tron ndi tiép hinh vuéng canh a c6 duong kinh c¢6 d¢ dai a. Khi d6

2
thé tich ctia khéi tru la: V =Bh=anR?> =a.n. (gj = i.f 7.

Cau 40: Dap an B.

Nhiéu doc gia ¢ thé nham gitra khai niém hinh chép va khoéi chdp. Nén khoanh
y A. Tuy nhién cac ban nén phan biét rd rang gitta hinh chop va khoi chép noi
chung, hay hinh da dién va khoi da dién noi riéng.

+ Hinh da dién la hinh duoc tao boi moét sd httu han cac da gidc thoa man hai
tinh chat:

a, Hai da giac bat ki hodc khong c6 diém chung, hodc ¢6 mét dinh chung, hoac
c6 mot canh chung.

b, Mdi canh ctia da gidc 1a canh chung ctia dting hai da giac.

+ Khoi da dién 1a phéan khong gian dwgc gidi han boi mét hinh da dién, ké ca
hinh da dién do.

Vay khi doc vao tirng dép an ¢ day thi ta thay:

+Y A chinh 1a khai niém ctia hinh chép.

+Y B 12 khéi niém cta khéi chép.

+Y C1a ménh dé bi thiéy, y D sai.

Vay dap anlay B.

Cau 41: Pap an A.
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Ta c6 cho mit phing (P) tax +by+cz+d=0 thi vecto phap tuyén cta (P) la
n= (a, b, c) .

Ap dung vao bai toan ta thay: 5x + 6y +2 =5x + 6y + 0z +2 = ;z=(5,6,0).

Cau 42: Pap an A.

Dé viét duoc phrrong trinh mit phang (ABC ) ta can biét 1 diém trén mit phing,
va vtpt cia mit phang doé.

Viéc tim 1 diém trén mat phang d6 thi ta khong can ban tam nita, vi & day da c6
3 diém r6i. Viéc chiing ta can lam ngay lic nay la tim vtpt ctia mat phang (ABC )
Ta cing xem lai phéan bai toan trang 70 SGK Hinh hoc 12 co ban. Va ta thdy & day
da c6 2 vecto khong cung phiong AB= (—8, -8, —4) , AC= (—7, -8, —1)

<[ A5,3¢]

Ma | AB, AC |=(-24;20;8) do d6 n=(-24;20;8).

Mat phéng(ABC) di qua A(6; 9; 1) va c6 vtpt n= (—24,‘ 20;8)
=(ABC):-24.(x-6)+20(y-9)+8(z-1)=0

< (ABC):—24x+20y +8z-44=0 < —6x+5y +2z-11=0

Phan tich huong gidi sai lam:

a. Dau tién, day khong han 1a sai Iam, ma 1a lwa chon céch lam khong nhanh
chéng. D6 la nhitu ddc gia dit phuong trinh cia mat phang
(ABC ) tax +by +cz+d=0. Sau d6 thay toa d6 tung diém vao va giai h¢, nhung
hé phuong trinh 4 dn 3 phuong trinh nén dén day nhiéu doc gia sé rat boi réi. Va
nghi dé bai khong cho du di kién vi thé khoanh luén y D.

b. Sai lam ti€p theo la nhiéu ban khong nhé rd cong thire tinh tich c6 hudng, dén
day, tdi xin gii thiéu véi doc gia cach tinh tich vo hudéng bang may tinh cam tay.
D1i nhién néu ban da nhé 1o cong thic, thi khong can ap dung cong thitc nay.
Buéc 1: An nit chon 8: VECTOR — Chon 1: VetA— 1:3

Buéc 2: Nhap toa do ctuia vecto AB vao, &n @ dé xdéa man hinh.

Buéc 3: Tiép tuc &n nit chon 8:VECTOR — Chon 2: VctB—> 1:3

o Vo @ Buwdc 4: Nhap toa do ctia vecto AC vao, an EC] dé xdéa man hinh.
=1 B Buw6c 5: An |SHIF — chon 3: VctA, tiép tuc lap lai budce 5 va chon VetB. Nhan
-24 2 vecto voi nhau ta duoc két qua nhu hinh bén.

Céau 43: Dap an A.

Cau 44: Dap an B.

Cong thtic tinh khoang céch tir diém A(2;6;9) dén mit phang (P)
2+26+39+9 25/14

d(A,(P))= = :

(47) V12 422 43 7

Nhiéu doc gia dén day da voi vang khoanh y A.

e Tt ity o em 1A s 2 s RPN
Nhin ki vao bai toan thi con thiéu nhan véi 3 Khi d6 sau khi nhan vao ta duwoc

50421

14
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V6i dé bai dang nay, néu
lam theo céch dai s6 vé bang
bién thién thi thuce sw rat 1au.
Di nhién la két qua van
ding néu ban tinh todn can
than. Tuy nhién, t6i mudén
gidi thiéu véi quy doc gia
cadch 1dam hinh hoc dé€ rat
ngén thoi gian, ma khéng
can tinh toan phtc tap.

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

STUDY TIPS
Nhigu doc gia c6 thé mac
mot nham 1an nho trong
viéc tinh toan ban kinh vi
khong nhé chinh xac cong
thitc tinh khoang cach. Hay
nham 1an khi tinh nham viét
phuong trinh méat cau. Vi
thé€ hdy cdn than nhé!

STUDY TIPS
Day la dang toan tim ménh
dé dung vi thé ta can kiém
tra titng ménh dé mot chi
khong thé tht dugc.

Cau 45: Dap an A.

Vi khoang cach tir A dén mat phang (P) la thay d6i nén can tim mot dai lugng
12 hang s8 sao cho AH > const.

Nhan thdy dé cho diém A(1;1;3) va dudong thing A . Vay khoang cach tir A dén
A la hang s8. Tir d6 ta da dinh huéng duoc cach lam.

Goi H, K lan lwot 1a chan duong vudng goc ké tir A xudng (P) , A. Tam giac
AHK vuodng tai H. = AH < AK = d(A;A).

D4u = xay ra khi vachikhi H=K < (P) qua K va nhan AK lam vtpt.

Vi KeA nén K(51+262+2t) = AK=(t-1;2t;2¢-1).

Ma AK LA dodd AKu, =0 & t-1+22t+2(2t-1)=0 <:>9t=3<:>t=%

; 158
Mat phang (P): qua K| =;=;— | va co vipt
it phang (P): q [3 3 3] p

(22 0) 2o 1o 243 158
33 3 3 3) 3 3) 3 3

< (P):—6x+6y—3z=0.

Cau 46: Dap an C.

Mat cau (S) tiép xtic véi mat phang (P):x+2y+2z+9=0th‘1 khoang cach ttr I

dén mat phing (P) chinh la bén kinh R.
1+1.2+2.3+9)

dlL;( P
( ( )) V12 +2% 427

:(S):(x—l)2 +(y—1)2 +(z,—3)2 =36 < (S):x* +y’ +2°—2x—2y-62-25=0
Cau 47: Pap an A.
DPocbai todn nay quy doc gia cd lién tudng dén bai toan nao trong dé nay khong?
Chinh xac 1a Cau 45. Vay nhu ching ta thdy, 6 day dé cho diém M, cho duong
thang dang chinh tac c6 han 3 an. C6 cach nao d€ chuyén thanh mot an khong?
Luc nay doc gia co thé nghi ngay dén phuong trinh dang tham s6. Sau khi da
chuyén thanh dang tham sg, ta s& dé dang tham sd duwoc diém H. D& tim dugc
toa d6 diém H ta chi can mét dir kién nira. Doc tiép dé bai thi ta nhan ra con dr
kién d6la MH 1 d. Bai toan dén day da duoc giai quyét.
Goi H la hinh chiéu cia M (2;0;1) 1én duong thang d.

= H(1+426;2+t)= MH = (t-1;26;t +1)

MHaia =0 (t-1).1+2t2+(t+1).1=0 <6t =0 t=0= H(L0;2).
Cau 48: Pap an B.
Ménh dé A: ta thdy BC =(4;0;0);CA =(~4;6;,-8)Nhan thdy BC.CA#0 nén ménh
dé A khong dung, tir d6 ta loai duoc phuong an D.
M¢énh dé B: Ta thady néu BC vudng gbéc v6i mp (OAB ) thi BC song song hoac trung
voi vipt cia mp (AOB) .
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Ma a = [ﬁ,@] = (48; O;O) . Nhan thay BC song song v6i vtpt ctia (OAB) nén

ménh dé nay dung vay ta chon luén dap an B ma khong can xét dén C nira.
Cau 49: Pap an C.
O day ta c6 phuong trinh duong thing d dang chinh tic c6 t6i tan 4 an. Thé tai
sao ta khong chuyén vé dang tham s6 d€ chi con 2 an nhi. Sau d6 lan luot cho
cac gia tri x,y,z ctia 2 dudong thang bang nhau (hay néi cach khac 1a xét hé 2 giao
diém).

1+mt'=t+5
Ta co hé giao diém nhu sau: {3+t'=2t+3

S+mt'=—t+3
r=2 (2m-1)t=4
=>2mt+1=t+5 < omil)i—8
omt-5=—t+3  (Zm¥1)E=
A A u 4 8
Hé c6 nghiém duy nhat © ——=—— o m=—.
2m-1 2m+1 2

Cau 50: Pap an B.
Nhén thay khoi chép da c6 dién tich ddy, viéc ta can lam bay gio la di tim chiéu
cao ctia khdi chép. Ma nhan thdy mat phang day da c6 phuwong trinh, biét toa d6
dinh S ta dé dang tim duoc khoang cach tir dinh S dén m4t phang day bang
cong thiee tinh khoang cach. Viéc ma quy doc gia can chu y lac nay chinh la tinh
toan hét sttc can than.
1.1-22+1.-1+2

(5:(P)) - 2 e

\/12 +(-2) +1°
V6 _2V6

:>V=l. .
3 3 3
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BE ON LUVEN S0 3

Cau 1: Cho ham s6 yzf(x) c6 dao ham tai x, .
Tim ménh dé dung?
A.Néu f '(xo) =0 thi ham s0 dat cyec tri tai x, .
B. Ham s6 dat cuee tri tai x, thi f(xo) =0.
C. Néu ham s6 dat cuc tri tai x, thi f'(xo) =0.
D. Ham s6 dat cyc tri tai x, thi f '(x) doi dau
khi qua x, .
CAu 2: Mot hoc sinh khao sat sy bién thién

3 —lx2 —2x+2 nhu sau:

y=lx
3
I. Tap xac dinh: D =R
II. Sw bién thién: y'=x" —x-2;
o x=-1
y=0 N

lim y =—o0; lim y =+
X—>—00 X—>+0

1. Bang bién thién:

X | —o0 -1 2 +o0

’

Y + 0o - 0 4+

' _ /169\;/

IV. Vay ham s6 dong bién trén
(—oo; —1) U (2;+oo), nghich bién trén khoang (—1;2).

+0o0

Loi giai trén sai tir budc nao?

A. Loi giai trén sai tir giai doan I.

B. Loi giai trén sai tir giai doan II.

C. Loi giai trén sai ttr giai doan III.

D. Loi giai trén sai 0 giai doan IV.
CAu 3: S6 thuc m 16n nhit d€ ham sO
y=x"+(1-2m)x* +m+2 ludén dong bién trén

(0;+00) 1a

A.m:l B.m=_—1 C.m:é D.mz_—3
2 2 2 2
Céu 4: Xac dinh a4, b 46 ham s = “"; c6 do thi
X+

nhuw hinh vé:

A.a=2;b=1 B.a=1b=2
C.a=-1;b=2 D.a=-2;b=-1
Cau 5: Ham s0 nao sau day khong c6 cuec tri?

A y=x B. y=x"-3x
C.y=x'-2x" D. y=3x°
Cau 6: Mot chat diém chuyén dong theo quy luat
v= %t‘* —%tz + 2t + 20 (¢ tinh theo gidy). Trong 20
gidy dau ké tir gidy tht nhat, van tdc cua chat
diém dat gia tri nho nhat tai thoi diém nao?

A. t=1 giay B. t =3 giay
D. t =16 giay.
Céu 7: Ham s6 nao sau day khong ¢o gid tri lon

nhat trén doan [—2; 2] ?

C. t=5 giay

A.y:—x+% B.y=x"+2
-1

C.y=x'+x’ D.y=2
Y Y x+1

Cau 8: SO nguyén duong m nho nhat d€ duong
_x-3
2-x

thdng y=—x+m cit do thiham 3 (C):y

tai hai diém phéan biét la:

A.m=4 B.m=0 C.m=2 D.m=3

Ciau 9 Cho hai ham s§ y=—22"3_ wva
x+m” -4

-x-7

x+5

y= . Tap hop cac gia trj ctia tham s6 m dé

hai duwong tiém can dung caa 2 d6 thi ham s6 trén
trung nhau la:

A {-11} B.{-33} C.{-22} D.{0}
Cau 10: SO diém cuc tri cia d6 thi ham sO
y=ax* +bx’* +c (a>0;b>0) la:

A.0 B.2 C.1 D.3
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Cau 11: Mot nguoi ¢ mot dai duy bang dai 130
cm, nguoi dé can boc dai duy bang do d6 quanh
mot hop qua hinh tru. Khi boc qua, nguoi nay
dung 10 cm ctia dai duy bang dé that no & trén nap
hop (nhu hinh vé minh hoa). Hoi dai duy bang c6
thé boc duoc hop qua cé thé tich 16n nhat 1a bao
nhiéu?

B. 320007 cm®
D. 160007 cm®

A. 40007 cm®
C. 10007 cm®

Cau 12: Biét log2 =a thi log i/% tinh theo a la:

1 1
A. g(4a—1) B. 5(2a—3)

1 1
C. =(4a+1 D. —(2a+3
Laas1) L2043)
Cau 13: Tap xac dinh cta ham s

o (20-5) (x-7)
=

A.8 B.9 C.10 D.11
Cau 14: Tich hai nghiém cua phuong trinh

chita bao nhiéu s6 nguyén?

A — B. -1 C.1 D. 27

Cau15: Cho 0<a#1,0<b=1,x>0;x #1 va cac
dang thtrc sau:
(D: log , x" =log, x

(1): logu@= log,a+1-log, x
x

log, a
(III): log,b.log, x.log a=1

Céc phat biéu dung la:
A (1);(11)

C. (1);(1)

B. (I);(11);(111)
D. (II);(11)
Cau 16: Pao ham ciaham s6 y = (sz —x+ 1)% la:

(4x-1) 1
A7) 0 g
3(2x? —x+1)2 322 —x+1)2
C (4x—1)

p_ 1
3y(22° —x+1)3

<1 (x<—1)

3y(2x* ~x+1)

Cau 17: Bat phuong trinh:
log (x2 - 1)
log(l - x)
khong trong dwong véi phuong an nao sau day?
N log(x2 - 1) ~log(1-x)
log(l - x)
B. 1og(x2 +x—2) <1

<0

C. log, , (¥* -1)<1
log(-1-x)>0 log(-1-x)<0
D. g( ) hay g( )
log(l—x)<0 log(l—x)>0
Cau 18: Cho bat phuwong trinh a* < b(O <a# 1).
Tim ménh dé sai trong cac ménh dé sau?
A.Néu b <0, tap nghiém cta bat phuong trinh
la @.
B.Néu b >0,a > 1, tdp nghiém ctia bt phuong
trinh 1a (—o;log, b .
C. Néu 0<a<1, tdp nghiém cta bat phuwong
trinh 1a [log, b;+).
D.Néu b =0 tap nghiém cua bat phuong trinh
la @.

Cau 19: Ham s6 yzln(x2 —2mx+4) co tap xac

dinh D =R khi:
A m=2 B.| ™2
m< -2
C.m<?2 D. 2<m<2

Céau 20: Tim tap hop tat ca cac gia tri cua a dé

ménh dé a"<a"om<n voéi aeRymneZ

dung?
A. (0;+0)\ {1} B. R
C. R\ {1} D. (1;+)

Cau 21: Mot khu ritng ban dau c6 trit lugng g6 1a
4.10° mét khoi gb. Goi toc do sinh trudong mdi

nam ctia khu rteng d6 1a a% . Biét sau ndm nam thi
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san luong gd 1a xap xi 4,8666.10° mét khdi. Gia tri
clia a Xap xi:
A.3,5% B. 4% C.4,5% D.5%

Cau 22: Ho tat ca cac nguyén ham ctia ham s6

sin® x ..
y= 7 la:
cos* x
A. 1 - 1 +C B. 1 + 1 +C
3cos’ x cosx 3cos’ x cosx
C.1—1+CD.—1—1+C

cosx 3cos’ x cosx  3cos’ x

d d
Cau 23: Néu J.f(x)dx=5 va J.f(x)dxzz vii
a b

b
a<d<b thi If(x)dx bang;
A. -2 B.8 C.0 D.3
Cau 24: Dién tich hinh phéng giéi han boi hai
duong y=x" -1 va y=—x" +2x + 3 khong duoc

tinh bang cong thtc nao sau day?
2
A.S= J(—xz —x+ Z)dx
-1

2

B. S=J.(x2 —1)—(—3(2 +2x+3)‘dx
3

C.S :]1(2x2 —2x—4)dx

2
D.S= ﬂzx2 ~2x —4‘dx
-1

e

2
Cau 25: Tinh tich phan: I xcos2xdx?
0

B. —— C.1 D. -1

Al
2 2

5
Cau 26: Cho tich phan = [[3* - 9ldx va céc ket
0

qua sau:
L1 =i(3x —9)dx+ i(3 —9)dx
2 0
2

1. 1=i(3x —~9)dx - [(3 = 9)dx

0
I I= 2}(3)‘ - 9)dx
2

Trong cac két qua trén két qua nao dung?
A.Chil B.ChilI
C. Chi III D.CalL II, Il

Cau 27: Tinh thé tich vat thé tron xoay duoc tao
boi phép quay quanh truc Ox phan hinh phéng
gach chéo trong hinh vé, biét f (x) =x’—4x+4?

y AN

! y=f(x)

/

o 2 3

Ry

A. V =3n (dvtt) B.V =%n (dvtt)

CvV-= ?n @ty D.V=Z (dvty

Cau 28: Tim cac s0 thuc x, y biét:

(—x+2y)i+(2x+3y+1)=(3x—2y+2)+(4x—y—3)i

9 4 5
A B. x=—3;y=—2
11’7 1 rETYET,

9 4 5
C.x=—3y=— D. x=3,y=—
SRETIA AT rEIY=5

Cau 29: Cho s0 phttc z =3+ 6i. Tim phan thue va
phén 4o cua so phtic z, = 522

A. SO phttc z, c6 phan thuc la 15, phan o la
-301.

B. SG phttc z, c6 phan thuyee 1a 15, phéan ao la 30.

C. S phtic z, ¢6 phan thuc la 15, phéan ao la
-30.

D. S6 phtic z, c6 phan thuc 1a 15, phan ao la
30i.
Cau 30: S6 phtic z ¢6 diéu kién nao thi c6 diém
biéu dién & phan gach chéo trong hinh dudi day

(k& ca bién)?

YA
2
N
(o x,
L\ J ”

G

A. S8 phtic z c6 phan thuc nho hon hoéc bang

—% , phan a0 nam trong doan [1; 2] .
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B. S8 phttc z c6 phan thuc nhé hon hodc bang
—l, 1< |z| <2.
2

C. S8 phttc z c6 phan ao nhé hon hodc bang

—l, 1£|z| <2.
2

D. S8 phtec z ¢6 phan do nhé hon hodc bang
—%, phan thuc ndm trong doan [1;2].

Cau 31: Cdp s0 phtrc nao sau day khong phai la

sO phtec lién hop ctia nhau?

A.x+§vé;+y B. x?vé;cy
C.x—?vé;—y D.2vat
Y X

Cau 32: Biét z,,z,1a hai nghiém ctia phuong trinh
222 +/3z+3=0.Khi d6 z, +z,” bang:

A B. 2 C. 3 D. -5
8 3 2 2
Cau 33: Cho hinh lang tru ABC.A'B'C'. Goi

E,F,G lan luwot la trung diém caa AA',BB',CC".

Khi d6 —A€856_ bing:
EFG.A'B'C'
A. l B. l C. l D.1
2 3 4

Cau 34: Cho khéi chop tam giac déu S.ABC co
day la tam giac déu canh bz‘?mg a, cac canh bén tao

voi ddy mot goc 60°. Tinh V.7

S.ABC *
A. gaa B. ﬁzﬁ V3

C. =4 D. glf

6 12
Cau 35: Cho hinh hop chit nhat ABCD.A'B'C'D'
voi AB=3cm; AD =6cm va do dai duong chéo
AC'=9cm. Tinh thé tich hinh  hop
ABCD.A'B'C'D'?

A.108cm’ B. 8lcm®  C. 102cm®> D. 90cm’
Cau 36: Cho hinh chép S.ABCD c6 day la hinh
chit nhat, cac mat (SAB) va (SAD) vuong goc voi
day. Goc gitra (SCD) va mit ddy bang 60°, BC = a.
Tinh khoang cach gitta AB va SC theo a?

A.& B. 2\/31 C. ﬁa D. 2\/551
2 13 J12 5

Céu 37: Cho hinh hop ABCD.A'B'C'D’, goi O la
giao diém cua AC va BD. Thé tich khoi chép
0.A'B'C'D' vakhdi hop ABCD.A'B'C'D' bing:

Al gl <l pl
2 3 4 6
Cau 38: Cho hinh lap phwong ABCD.A'B'C'D'
canh A. Goi O la tam ctia hinh vuong ABCD. Khi
dé thé tich ctia khéi nén c6 dinh la O va déy la
hinh tron ndi ti€p hinh vuéng A'B'C'D' bang:

A.%nas (dvtt) B. %nas (dvtt)

c. Ly (dvtt) D. lra® (dvtt)
12 2

Cau 39: Cho ti dién ABCD 6 AD 1 (ABC) va
BD 1 BC. Khi quay tét ca cac canh cua t& dién d6
quanh canh AB c6 bao nhiéu hinh nén dwoc tao
thanh?
A1 B.2 C.3 D. 4
Cau 40: Mot hinh tru ¢6 hai day la hai hinh tron
(O;r) va (O%r). Khoang cach giita hai day la
0O'=r+/3. M6t hinh nén c6 dinh 1a O' va 6 day
la hinh tron (O ;r) . Mat xung quanh ctia hinh né6n
chia kh6i tru thanh 2 phéan. Goi V, 1a thé tich phan
bén ngoai khoi nén, V, la phan thé tich bén trong
Khdi nén. Khi d6 % bing;
2

A.% B. 1 C.2 D.3

3

Cau 41: SO mat cau c6 cung tam, ban kinh véi mot
dwong tron cho trudc va chita dwong tron do la:

A.0 B.1 C.2 D. V6 s6
Cau 42: Trong céc cau sau day, cau nao sai?

A. B&t ki mot hinh tt¢ dién nao cling c6 mot mat
cau ngoai tiép.

B. B4t ki mot hinh chép déu nao ciing c6 mét
mat cau ngoai tié€p.

C. Bat ki mét hinh hop nao cling c6 mot mat
cau ngoai tiép.

D. Bat ki mot hinh hép cht nhat nao cling c6
mot mat cau ngoai tiép.
CAu 43: Tim toa d6 vecto u bict réng a+u=0 va

Q= (1;—2;1) ?
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Cau 44: Tim vecto chi phuong ctia duong thang
x=1+6t

d:qy=-5+3t?
z=6->5t
A. u=(6;3;-5) B. u=(~6;-3;5)
C. u=(1-56) D. u=(-1;5-6)

Cau 45: X4c dinh m, n, p d&€ cap mat phang

(P):2x+3y—4z+p=0; (Q):mx+(n—-1)y+8z-10=0

trung nhau?

A.m=4n=5p=-5 B.m=—4n=-5p=>5

Cm=-3;n=-4p=5 D.m=-2;n=-3;,p=5
Cau 46: M3t phang nao sau day c6 vecto phép
tuyén n=(3;1,-7)?

A . 3x+y-7=0

B.3x+z-7=0

C. -6x-2y+14z-1=0

D. 3x-y-7z+1=0
Cau 47: Viét phuong trinh mat phang trung truc
cua doan théng PQ voi P(4; -7; —4) va

Q(-2:3:6)?

A. 3x-5y-5z-18=0

B. 6x-10y -10z-7=0

C.3x+5y+5z-7=0

D. 3x-5y-5z-8=0
CAu 48: Toa dd hinh chiéu cua diém A(—3;2;5)
1én mat phing (P):2x+3y—5z-13=0 la:

A. (2;3;4)

C. (-1,50)

B. (3;-3;3)
D. (6;4;1)
Cau 49: Viét phuong trinh mat phang (Q) chita

x-2 y-1
2
mat phang (P):2x+y =07?

duong thang d: = % va vuong goc voi

A.3x-2y-7=0
C.2x+y—-4z=0

B. x-2y+3z=0

D. 3y +22+7=0

Cau 50: Xac dinh m d&€ duong thang
_ 1 z_ ,

g-x 13_y-1_z-4 ¢

cat mat han
8 2 3 ’ phang
(P):mx+2y—4z+1=0?
A.m#0 B.m=#=1 C.m=0 D.m=1
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STUDY TIPS
Day la bai toan tim 15i sai,
ta can di soat ting budc
mot cach gidi cua nguoi
giai.

PAP AN
1D | 2D | 3A | 4A | 5D | 6A | 7D | 8A 9B | 10C
11C | 12A | 13A | 14D | 15B | 16A | 17B | 18C | 19D | 20D
21B | 22A | 23D | 24A | 25B | 26B | 27C | 28A | 29C | 30C
31D | 32A | 33D | 34C | 35A | 36A | 37B | 38C | 39B | 40C
41B | 42C | 43D | 44A | 45B | 46C | 47D | 48C | 49B | 50B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Ta di xét ting ménh dé mét.
Voi ménh dé A: Day la ménh dé khong chinh xac. Ta 1ay don ct nhw vi du ham
hang thi ménh dé nay sai.
V6i ménh dé B: Ménh dé nay r0 rang sai, khong phai licnao f (xn) =0.
Voi ménh dé C: Tanhan thay day la ménh dé sai boi taldy vi du nhw ham s6 y = |x|
c6 dat cuc tri tai x =0 nhung khong ton tai dao ham tai x =0 nhu vay viéc suy
ra f'(x0)=01é1 sai.
Voi ménh dé D: Day la ménh dé dung.
Cau 2: Pap an D.
O giai dogn I: Day 1a giai doan dang, vi rd rang tap xac dinh ctia ham s bac 3
(mot bién) la tap R.
O giai dogn II: Ta thay y'=x" —x—2, diing va giai phuong trinh y'=0 dung.
O giai dogn I1I: Bang bién thién, thir c4c gia tri thay dung.
Vay chi con giai doan IV, ta 6 thé khoanh luén y D.
Tuy nhién, ¢ day t6i mudn giai thich rd cho quy doc gia biét giai doan 4 sai ¢
dau. Ta cung nho lai cdu 4 ¢ dé s6 1 ma t6i da dé cap nhu sau:
“Q séch gido khoa hién hanh, khong gidi thiéu khai niém ham s8 (mot bién) dong
bién, nghich bién trén mot tap sd, ma chi gidi thiéu khai niém ham s6 (mot bién)
dong bién, nghich bién trén mot khoang, mot doan, ntra khoang (ntra doan).”
Vay két luan dong bién nghich bién ¢ giai dogn IV nay bi sai:
Stra lai nhu sau: “Vay ham s6 dong bién trén (—oo; —1) va (2; +oo), nghich bién
trén khoang (—1;2).
Cau 3: Dap an A.
Chung ta c6 diéu kién du sau day:
“Néuw f'(x)>0(f'(x)<0) trén khoing (a,b) thi him 8"y = f(x) dong bién (nghich
bién) trong khodang do.”
Vay diéu nguoc lai c6 ding khong? Ta cung di dén dinh ly mo rong sau day:
“Néii trén khodng (a,b), ham s6"y = f(x) cd dao ham va phwong trinh f'(x)=0 chi
co hiru han nghiém thi:
a. f(x) dong biéh khi va chi khi f'(x)>0;
b. f(x) nghich bién khi va chi khi f'(x)<0.”
Vay tir dinh ly mé rong ma toi vira dua ra o trén, quy doc gia cd thé giai quyét

bai toan nay mot cach dé dang.
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STUDY TIPS

Pay la cach giai thich chi
tiét, tuy nhién quy doc gia
¢ th€ nhdm nhanh ma
khong can vé bang bién
thién sé rét ton thoi gian, vi
thé hay linh hoat trong moi
tinh hu6éng nhé.

STUDY TIPS

Day la dang bai nhan dién
dd thi quen thudc, thuc
chat, d€ tim 4, b ta chi can
thay toa do 2 diém ma do
thi giao véi truc Ox, Oy
duogc hé phuong trinh 2 an
va giai dwoc g, b ngay.

STUDY TIPS
Néu quy doc gia di nim
chéc cac kién thiic thi c6 the
chon nhanh luén y D ma
khéng can xét cac y con lai.

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Xétham s6 y =x° +(1-2m)x* +m+2 trén R.

Ham s6 f(x) lu6én déng bién trén (0; +oo) khi va chi khi f'(x) > 0. D&u bang xay
ra tai httu han nghiém.

y'=3x" +2(1—2m)x >0 véimoi x e (0;+oo).

Dau béng xay ra tai hitu han nghiém.

& 3x+2-4m=>0 (do xe(0;+oo) <:>m§3xzz.

Xét ham s6 g(x) = 3x+2 trén (O; +oo) .
x 0 +00
g'(x) +
+00
g(x) 1 /

2

beé mSg(x) vOi moi xe(0,+oo) thi m < 5

A iz e 1 oy o o m AA TN 1 1
Vay gia tri 1on nhat ctia m thdéa man dé bai la m=-.

Cau 4: Dap an A.

a—2_0
Tacod 2+0b sa=2b=1.
a
Z_»n
b

Cau 5: Pap an D.

Phuwong dn A: Day la ham s6 bac hai nén d6 thi ham s6 luén cé mét diém cuec tri
la dinh ctia Parabol.

Phurong dn B: Ta ¢6 y'=3x> — 3; phuong trinh y'=0 ludn cd 2 nghiém phén biét
nén do6 thi ham s ludn c6 2 diém cuc tri. Tl day ta xét ludn dap an D cing la
ham béc 3 c6 phuong trinh y'=0 chi c6 mot nghiém duy nhat, ta nhé luén dén
bang cac dang d6 thi ham bac ba ma t6i van nhic dén trong 10i giai cta cac dé
truge. Vay ham s6 y = x° khong c6 cuc tri. Ta chon ludn dap an D.

Cau 6: Dap an A.

Thuc chat day 1a bai toan tim GTNN ctia ham s6 mot doan cho trudc.

Xét ham s8 f(t):it“ —%tz +2t+20 trén [1;20 ]

t=1
t=-2(I)

Ta so sanh cac gia tri {f(l),f(ZO)} thi thay f(l) < f(ZO) nén van toc cua chat

fl(t)=t-3t+2; f'(t)=0=

diém dat GTNN tai thoi diém t=1 giay.
Cau 7: Pap an D.

Ta di xét ting ham s6 mot.
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STUDY TIPS
Ta cé dinh 1i SGK vé su ton
tai cia GTLN, GTNN trén
doan nhu sau:
Moi ham s6'lién tuc trén mot
dogn déu ¢c6 GTLN va GTNN
trén doan do.

Vi ménh dé A: Day 1a ham s6 bac nhét, don diéu trén [-2;2] nén ludn c6 GTLN
trén [—2;2].

V6i ménh dé B: Ta cd y'=3x" =0 <> x =0. D06 thi ham s6 khong ¢ diém cuec tri va
ludn dong bién trén [—2;2] nén c6 GTLN trén [—2;2] .

Vi ménh dé C: Ham s0 lién tuc trén [—2;2] do d6 c6 GTLN trén [—2;2].

Voi ménh dé D: Ham s6 gian doan tai x =-1 nén khong c6 GTLN trén [—2;2].
Cau 8: Dap an A.

Véix =2 . Xét dén giao diém cuia hai d6 thi ham so thi ta di xét phwong trinh
hoanh d¢ giao diém:

x-3
2—x

o0 —(m+2)x+2m=x-3 < x> —(m+3).x+2m+3=0(*)

=—x+m©(x—m)(x—2)=x—3

D& hai d6 thj ham s§ cit nhau tai hai diém phéan biét thi phurong trinh (*) c6 hai
A'>0

nghiém phan biét khac2 <4 _,
2 —(m+3).2+2m+3=0

m>3
& (m+3) —4(2m+3)>0 & { (luon thoa mén)
m<-1
Vay s6 nguyén duwong m nho nhat la m =4.
Cau 9: Pap an B.
Dé dang nhan ra dwoc x=4-m’ la tiém can dung cta d6 thi ham s8
=#; x =-5 1a tiém can ding cta d6 thi ham s6 y = —x-7 .
X+m — 4 X+ 5

D€ hai duong tiém can dung cta hai d6 thi ham s6 trén trung nhau thi:
PRI PN L
m=3

Cau 10: Pap an C.
Vi sao dé lai cho b>0? Boi vi, s6 nghiém ctia phwong trinh y'=0 phu thudc vao
ddu cta g, b. Ta cung kiém ching;:
y'=4ax’ +2bx
y'=0< 2x(2ax2 +b) =0
Do a>;b>0 nén phuong trinh chi ¢c6 mét nghiém duy nhat, vay d6 thi ham sd
c6 dang parabol. Vay d6 thi ham sd chi c6 mot diém cuc tri.
Cau 11: Pap an C.
Ta nhéan thay, dai duy bang tao thanh hai hinh chi* nhat quanh cai hop, do doé
chiéu dai ctia dai duy bang chinh la tong chu vi cta hai hinh chit nhat d6. T4t
nhién chiéu dai duy bang da phai trir di phan duy bang ding dé that no, cé nghia
la: 2.2.(2r+h)=120 < h=30-2r
Khi d6 thé tich ctia hdp qua duoc tinh bang cong thuc:

V =Bh=mr*(30-2r)=m(-2r>+30s)

Xétham 8 f(r)=-2r°+30r" trén (0;15)
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STUDY TIPS

Mot cach khac la quy doc
gia c6 thé bAm may tinh d&
tht, tuy nhién day la mot
bai toan don gian, khong
nhét thiét ban phai thw
teng ddp an mot sé rat ton
thoi gian. Trong qua trinh
ren luyén dé, hay tap tu
duy nhanh d¢& giai quyét
tinh hudng ma khong bi
phu thudéc vao may tinh
qué nhiéu.

STUDY TIPS
SE€ co rat nhiéu quy doc gia
quén diéu kién (x —7)2 #0
dan dén van tinh s§ 7 va
chon dap an B 1a sai.

STUDY TIPS

Pay la phuong trinh logarit
don gian. Nhin vao hai vé&
ta thdy cac logarit trong
phuong trinh khéng cting
co s0. Bude dau tién, ta can
chuyén déi vé mot co s6. Vi
VP c6 hai logarit cing co s&
x nén ta sé chuyén VT vé
logarit co sd x.

(N 2 L r=0<l)
f(r)=—6r*+60r; f'(r)=0< 10

Khi d6 vé bang bién thién ta nhan ra Mayx f (r) =f (10) . Khi d6 thé tich ctia hop

(0;10)
qua V = BJi=m1010 =10007 .
Cau 12: Pap an A.
Nhén thdy trong bai c6 xuat hién log?2 va log5 . Ta nghi ngay dén
log10 = 10g(2.5) =log2+log5=a+log5s=1 =log5=1-a.

1
1 1 1 4 1
=log2—-log53 =log2——.1og5 =a——(1-a)=—a—=
g2-log g2-7-log5 =a 3( a) 213

logi
5
Cau 13: Pap an A.
Ta sé di tim tap xac dinh ctia ham s, sau d6 tinh s6 s6 nguyén nam trong tap xac
dinh vira tim duoc.
(Zx - 5)3 (x - 7)2

Ham s8 da cho xac dinh khi >0

12-x
x#12
5
x#z7;x#—;x#12
5 2 x#7
9 =<x<12 5
2 —<x<12
x>12;x <§(loai)
2

Trong khoang do c6 8 sd nguyén. Pap an A.
Cau 14: Pap an D.
bitukién x>0;x =1
1 log 3+log x
log 3 B 1-2log 3

<1-2log 3= (logx 3+1)10gx 3

Phuong trinh <

< log *3+3log 3-1=0
bén day néu ddc gia nao khong tinh y cd thé tim rd x ra ro6i tinh, tuy nhién ta

cting nhé dén cong thirc log, (x,.x, ) =log, x, +log, x,.

—3+413
log 3=——+—
Vay dén day, bAm may tinh giai phuwong trinh bac hai thi sé ra 2
-3-13
log 3= R

Khi d6 log, x, =

2 2
—=;log, x,=——.
Bz 0T 5
Bam mdy may tinh ta duoc log, x, +log, x, =3 < log, x,x, =3 & x,x, =27.
Cau 15: Pap an B.

Ta lan luot di xét titng ménh dé mot.

Véi ménh dé (I): log,, x' = %.b.loga x=log, x. Diy 1a ménh dé dung,
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STUDY TIPS
- Nhiéu quy doc gia sé bi
thi€u phan (Zx2 fx+1)'
dan dén chon sai dap an.
- Nhiéu doc gia khac lai
khéng nhé cong thikc

m

ﬂ? _ nlam

STUDY TIPS
Néu khong d€ v ki, chic
hin quy doc gia sé khong
thé€ nhén ra dwoc dap 4n, do
dap 4n A va C rat d& nham.

lo 1-1 logbg+1 logb@
Véi menh de (1) : 801708 X P P x g0 80
log, a log, a log, a x
bay 1a ménh dé dung.
V6i ménh dé (111):
log, b log, x

log, b.log, x.log a= Jog, x.log a =—"—.log a=log, x.log a=1.
lo log, a

b b

bay ciing la ménh dé dang.

Cau 16: Pap an A.

1

Tacé y':((sz—x+l);J' =%(2x2 —x+1) (20 —x+1)°

1

= %(495 ~1)(22% —x+ 1)7?2 1 (a1

3 (2x2 —x+1)§

L () (e

E>’§/(2962—9c+1)2 3%/(2x2—x+1)2
Cau 17: Pap an B.
V6i ménh dé A: RS rang ménh dé nay dung do

log(x2 —1)—log(1—x) log<x2 —1)
log(l—x) <0< log(l—x) <1
log(x2 —1)

V6i ménh dé B: Ta c6: =log, , (¥ —1). Vay day 1a m¢nh dé B sai.

log (1 - x)
Cau 18: Pap an C.
Vi ménh dé A: Ta c6 v6i 0<a=1 thi 4* >0 v6i moi x. Do &6 néu b<0 thi bat
phuong trinh v6 nghiém, day la ménh dé dang.
Vi ménh dé B:
Véi b>0;a>1 thi a* <b<log,a* <log,b < x<log, b.DPayla ménh dé dung.
Véi ménh dé C: Ta thay r6 rang khong co diéu kién ctia b, néu b <0 thi rd rang bat
phuong trinh v6 nghiém. Vay day chinh 1a ménh dé khong dang.

V6i ménh dé D: Nhan thdy v6i b=0 thi a* <0 v0 nghiém. Day la ménh dé dung.
Cau 19: Pap an D.
Ham s§ y= ln(x2 —2mx + 4) c6 tdp xdc dinh D=R khi va chi khi

x* —2mx+4>0 vdimoi x.

< A'<0 véimoix (do a=1>0 roinén ta chi can diéu kién delta)

om -4<0e-2<m<2.

Cau 20: Pap an D.

Day la phan so sanh vé s§ mii ma tdi da nhéc dén rat nhigu lan trong cac dé trude
nén ¢ dé nay t6i sé khong nhac lai nita. Néu a4 >1 thi ménh d@é trén dtng, tic la
ta chon dap an D.

Cau 21: Pap an B.

Trit lwong gb sau mot ndm cua khu rimg la: N =4.10° +4.10°.a% = 4.10° (1+a%)

50 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem



STUDY TIPS

(Cosx)' =-—sinx

STUDY TIPS
Ta cung nh¢ lai mot tinh
chét cua tich phan:

E f(x)dx=j: f(x)dx+j £(x)ix

vOi a<c<b

STUDY TIPS
Ta c6 thé suy ra ngay A sai
Vi 1o rang thiéu hin hé s8 2.
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|

<] Math A
[z
Z
1
g ACostZiddy -1
STUDY TIPS

Ta thdy day la bai toan ap
dung tinh chat toi da dwa ra
6 Cau 23 nén o day tdi
khong nhdc lai nita. Viéc
chiing ta can lam la tim
khoang don diéu cua 3" -9
d€bo ddu gia tri tuyét d6i.

Trit lugng g6 sau nam thit hai cua khu rimg la: N =4.10° (1+ a%)2

Trix lwong gs sau nam ndm cua khu rieng la: N = 4.10° (1 + a%)5 =4,8666.10°
=a~4% .
Cau 22: Dap an A.

Do d6 ta c6 thé lam nhu sau:

- Ism xsmx __[1 cos’ x (osx _I(

jd(cosx)

3cos’x cosx

cos? x cos? x cos*x cos®x
=—J(cos’4x—cos’2x cosx cos ™+ x— 1 cos? x l4C
—4+1 1-2
=_(%1cos X+cos” xJ+C r 1 +C.

Cau 23: Pap an D.
Khi d6 véi bai nay ta chi thay ¢ bang d, do d6 ta co:

[F(x)ax=[f(x dx+jf )dx=5-2=3

Cau 24: Dap an A.
Trudc tién ta tim hoanh d6 giao diém cta hai d6 thi ham s& da cho dé€ xac dinh
can cua tich phan.
. 2 2 2 x=-1
Taco —x"+2x+3=x"-1 ©2x"-2x-4=0 < 5
X =
Khi d6 dién tich hinh phang gi6i han boi hai d6 thi ham s& da cho duoc tinh bang
2
cong thire: S = ”(x2 - 1) - (—x2 +2x+ 3)‘dx .
x|

Tur day suy ra phuong an B va C dung.
Cau 25: Pap an B.
Phdn tich: Pay la dang bai tinh tich phan ting phan, d€ giai quyét nhanh bai
toan, quy doc gia cd thé bam mdy tinh dé cd dugc két qua nhw hinh bén.
Tuy nhién ¢ day: toi xin giai thich cach lam vé mat toan hoc nhw sau:
bay 1a dang bai tich phan ting phan.
u=x=du=dx

bat 1
dv=cos2xdx =>v= Esian

k3

1
smn—E .0.sin0 — Ismx cos xdx

1 LA 1
Khi d6 I =—=.x.sin2x|2 —I—siandx _-T
2 0 12 272

3 LI
=—Isinxd(sinx)=—l.sin2x 2 =—1.(sin2£—sin2 0j=—l.
) 2 0 2 2 2

Cau 26: Pap an B.

Taco 3" -9>0x>2.

3" —9‘dx =

~oldx = [(9-3")dx+ (3 ~9)ax.
0 2
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STUDY TIPS
DPay la bai toan don gian
trong viéc rut gon sd phtic
va giai hé phuong trinh hai
an.

STUDY TIPS
Sai Tam khi xac dinh phan
40 1a mot sai Jam kinh dién
ctia hoc sinh. Hay nh¢ ki
ring phin ao chi c6 s8 va
khong co i.

STUDY TIPS
Day 1a bai toan nguoc cua
bai toan tim diém biéu dién
ctia s§ phtic. Ta cling nhac
lai kién thttc sau:
Diém M(a;b) trong hé toa do

vubng goc cia mgdt phing

dwoc goi la diém biéu dién so’

phitc z=a+bi v6i a,beR.

Vay I sai, II dang va III sai.
Cau 27: Pap an C.

3
Taco V = nj (x- 2)4 dx . Dén day ta c6 thé bAm may tinh d€ c6 thé ¢6 duwgc nhanh
0

Két qua do chinh 13 V = ?n .

Loi gidi chi tiét:

V:ni(x—2)4 dx:ni(x—2)4d(x—2) “rl(w-2) P2

Cau 28: Pap an A.
—x+2y=4x-y-3

Ta sé Tan luot cho:
2x+3y+1=3x—-2y+2

9

5x-3y=3 |¥7717
o )5X73y=3 11
x—-5y=-1 _4
T

Phin _tich sai ldm: Nhiéu quy doc gia khong doc ki va cho ludn
—Xx+2y=3x-2y+2
2x+3y+1=4x-y-3

va cudi cung chon dap an B hodc D 1a sai. Hay doc ki dé
bai nhung tdc d6 van can phai nhanh dé dat két qua t&t nhat ban nhé!

Cau 29: Bap an C.

Ta c6 z, =5z=5.(3-6i)=15-30i.

Vay phan thuce ciia z, 1a 15 va phan dola -30 .

Cau 30: Bap an C.

Ta nhan thay phan gach chéo duoc gidi han boi duong thang y = —% . Nghia la

1
<—.
y=7

Suy ra phan a0 nho hon hodc bang —% . Con khoang gach chéo thi sao? Ro rang

ta nhan thay né lién quan dén khoang cach tir tam O dén diém biéu dién, tic la
mo dun cuia sO phirc. Vay ro rang 1< |z| <2.

Chii yj: Nhiéu ban bi 16n gitra truc biéu dién phan thuc phan o, va khong xéac

dinh duoc phan gach chéo chinh la sy bién thién ctia mo6 dun, nén sé bi vudng

méc bai toan nay.

Cau 31: Pap an D.

Vi bai toan nay, xudt hién x, y la hai s& phttc. Do d6 ta sé lan luot dat:
x=a+bi;y=c+di (a,b,c,d € R).

Khi do:

V6i ménh d8 A: x+y=a+bi+c—di=a+c+(b-d)i,

con ;+y =a-bi+c+di= a+c+(d—b)i la hai s8 phtic lién hop cuia nhau.

V6i ménh dé B: x.y = (a-+bi)(c—di) = ac—adi +bei+bd = ac +bd +(bc —ad)i
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h1=

,,,,,,,,,,,,,,

;.y = (a—bi)(c+di) = ac+bd+(ad—bc)i
Vay day la cédp s6 phtc lién hop cta nhau.
Twong tw ménh dé A thi C la ménh dé dang. Vay theo phuong thirc loai trtr thi D
la dap an can tim.
Céu 32: Dap an A.
Nhén xét vdi bai toan nay ta chi can bam mdy tinh la cé két qua.

V3 21

7z, =-Y2 N2
Ta thdy 22> +/3z+3=0 < 4 4
IRERRCTS
4 4

Khi d6 bAm mdy tinh ta dwrgc hai nghiém nhu trén, do day la bai toan trac nghiém
nén viéc quy doc gia bam hai nghiém ra r6i lai quay vé bam biéu thuc rat lau.
Nén khi dung may fx—570VN PLUS , sau khi bAm ra nghiém ta gitt nguyén ma
hinh, r6i gan tiing nghiém cho mot bién nhu sau:

Sau khi bam giai phuong trinh man hinh hién nhu hinh bén.

Gitt nguyén man hinh va an SHIFT + STO A dé€ gan nghiém x, vao bién A. Tiép
tuc &n bang mday hién nghiém thi hai va tiép tuc lp lai qua trinh bén trén gan
cho B. Sau d6 &n On quay vé ban dau. Nhap

Al x?| +ALPHA B| x?| va &n = méy s hién két qua.

Céu 33: Dap an D.

R5 rang ta thay hai hinh ldng tru nay cé chiéu cao bang nhau va bang mot nira
chiéu cao cta hinh lang tru 16n. Do d6 ti 1é thé tich can tim 1a 1.

Cau 34: Pap an C.

Do S.ABC la hinh chép tam gidc déu nén SH la duong cao ctia hinh chép, véi H
la trong tam caa tam gidc ABC. Do H la hinh chiéu cta S trén ABC. Do d6

(s:(4BC)) -5t -0

Vi H la trong tam cua tam giac ABCnén AH = 3

w3 a3
T2

WIN

Khi d6 SH = AH.tan60°:§.x/§=a.

1 1 1a3 23
VSAABC :g.SH'SABC :g-a.E.T.a = 0 .
Cau 35: Dap an A.

Day la bai toan kha don gian, hinh hop da co kich thudc ciia mat day, ta chi can

di tim chiéu cao.

RS rang voi tam gidc A'AC vudngtai A = A'A=yA'C* - AC?

Ma AC =+ AB?* +BC? =32 +62 =35 dod6é A'A= 92—(3\6)2 -6

V=ABAD.A'A=6.63=108.
Cau 36: Dap an A.
Do (SAB) va (SAD) cling vudng géc mat day (ABC) nén SA L(ABC), hay SA

chinh la duong cao cta hinh chép.
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D& tim duoc khoang cach tit AB dén SC, ta tim mt mat phing chita SC ma song
song v6i AB, rd rang mat phang d6 chinh 1a (SCD). Khi d6 ta chi can tim khoang
cach tlr mot diém trén AB d&n miat phang (SCD). Ta sé chon diém A vi day la
mot diém ddc biét (1a chan duong cao ctia hinh chép). Ta cé SA L CD; AD 1L CD
= CD 1 (SAD) = (SAD) L (SCD) (déy la suy luan nhanh khéng phai cach trinh
bay rd rang trong mat bai tw luan).

(SAD) L(sCD)

(SAD)N(SCD)=SD = AH 1 (SCD) = d(A;(SCD))=AH =d(AB;SC)

AH 1 SD

Taco SD LCD;AD LCD = SDA~|((SCD),(ABCD)|=60°.

Khi d6 SA = AD.tan60° = a3

1 1 1 a3

s=—7 2<:>SH:—.
SH® SA* AD 2

Cau 37: Pap an B.
Hai khéi can tim thé tich ¢6 chung day va chiéu cao, chi khac mot hinh 1a khoi
chdp, con mot hinh la khoi hop chir nhat.

Miit khdc ta co V., :%.B.h ,V, =Bh = tilela %

Cau 38: Pap an C.

Do duong tron day cuia hinh nén ndi tiép hinh vuéng A'B'C'D' nén do dai
1 P
duong kinh hinh tron d =a= R:%. Khi d6 V =§.u.[—j =

Cau 39: Dap an B.

R0 rang khi quay quanh canh AB thi ta c6 mot hinh chép dinh B, day la duwong
tron tam A, ban kinh AD.

Tiép tuc ta c6 BD L BC;DA L BC= BC L AB. Vay khi quay quanh AB, ta ¢
thém hinh chép dinh A ddy la deong tron tam B ban kinh BC.

Cau 40: Pap an C.

Ly

hop _3

Ta c6 thé tich khéi chop: V.,

V.
V, =Bh :>—2:l
vV 3

t

Mit khac V=V, +V, :L:Z.

VZ
Cau 41: Dap an B.
O cau nay c6 thé nhiéu ban khoanh ludn v s8, tuy nhién nhu vay 1a sai. Duong
tron cho trudce chinh la thiét dién qua truc ctia mat cau. Ro rang mot duong tron
cho tredc cd tAim va ban kinh xac dinh, tim chinh 13 tAm ctia mit ciu, va ban
kinh la ban kinh méat cau. Do dé chi 6 mot mat cau chita mét duwong tron cho
trude.
Cau 42: Pap an C.
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Ta ¢6 cach xac dinh mét cau ngoai ti€p hinh chdp. Xac dinh truc duwong tron cta

mgt phang day, tic 1a duwong thang di qua tam duong tron ngoai tiép tam giac

dday. Lay giao di€ém cua truc duong tron véi trung truc ctia canh bén hinh chép.

Vi th€ véi hinh t& dién va hinh chop déu ludn c6 mét cau ngoai tiép, nén A va B

dung.

V6iy D : ta 6 hinh hop chit nhat ludn c6 tdm cach déu cac dinh cua hinh hop, do

d6 ludn xac dinh dwge mot mat cau ngoai ti€p hinh hop chir nhat. Vay ta chi cd

thé chon C.

Cau 43: Dap an D.

DPay la mét bai toan don gian, néu tinh y ban c¢6 thé chon ludn dap an D. Thi lai

ta thay: u+a=(1-1)+(-2+2)+(1-1)=0.

Cau 44: Pap an A.

Ta 6 néu duong thing d di qua A(x,;y,;z,) va 6 vtep u=(a,b,c). Khi d¢
x=x,+at

phuong trinh tham s8 ctia dwong thang d: 1y = x, +bt. Vay U= (6:3;-5)
z=2z,+ct

Cau 45: Pap an B.

Ta cting nhd lai kién thikc vé vi tri twong d6i ctia hai mat phang, diéu kién dé hai

mat phang tring nhau:

Cho (P): Ax+By+Cz+D=0 va (Q): A'x+B'y+C'z+D'=0.

7 A B C D
pe (P)=(Q)thi =B _C_ D
( ) (Q) A' B' C' D'
Khidétacs: 2= =4 P o gn=5p=5.
m n-1 8 -10

Cau 46: Dap an C.

Mit phang (P) co vtpt la n= (a,b,c) thi (P) sax +by+cz+a =0. Vay mit phang
0y Csé co vipt (3; 1; —7).

Cau 47: Pap an D.

Mit phang trung triec ctia doan thang PQ, nhu hinh vé, di qua trung diém cta
doan PQ, va PQ vudng gdc véi mit phang can tim. Khi d6 ta da c6 mot diém di
qua va vecto phap tuyén.

Trung diém cua PQ 1a M(l; —2;1) va vecto phap tuyén n=PQ = (—6;10;10) .
Mit phang can tim cé phuong trinh:

—6(x—1)+10(y+2)+10(z-1)=0 < -3(x—1)+5(y+2)+5(z—1)=0

< -3x+5y+5z2+8=0 < 3x-5y-5z-8=0.

Cau 48: Dap an C.

Dé tim duoc toa do hinh chiéu ctia diém A(-3;2;5), nhu ta nhéan thy ¢ day chi
c6 hai dit kién 1 diém A va mit phing (P). Tir céc dit kién nay ta c6 thé biét

duoc vtep ctia duong thang di qua A va vudng goc véi mit phang (P)
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x=-3+2t
Khi d6 ta c6 duong thang d: qua A(—3;2;5);vtcp ;l=(2;3,‘—5)1é: d:qy=2+3t
z=5->5t

Khi d6 tham s& hoéa toa d6 hinh chiéu theo duong thing d va thay vao phuong
trinh mat phéng da cho ta sé tim duoc toa d6 diém can tim.
2.(-3+2t)+3.(2+3t)-5(5-5t)-13=0 < t=1.
Khi d6 diém can tim c6 toa do (—1; 5;0).
Cau 49: Pap an B.
Lay diém A(2; 1;0) ed. Mt phang (P) 1 (Q) thi ;l(P) I (Q)
Khi d6 (o) = ), | = (~1;2;-3) Phan nay dé tinh tich c6 huéng ta co thé bim
mady tinh nhu t6i da dé cap ¢ cac dé trudc.
Vay mit phang (Q) di qua A(2; 1;0) , vecto phép tuyén ;l(Q) = (—1,' 2; —3) co
phuong trinh:
(Q) : —1.(x—2)+2.(y—1)—3z =0 ©x-2y+3z=0.
Cau 50: Pap an B.

LIS D& duong thang d cat mat phang (P) thi d khong song song v6i mit phang (P)

Ta di tim diéu kién d€ mat phang (P) song song véi duong thang d.

p DPuong thang d song song véi mat phang ( P) c6 nghia la vtcp ctia duong thang

/ / d vudng gdc véi vecto phap tuyénctia mat phang (P), nhu hinh vé:

Khidoétacd 8m+22-34=0<m=1. Vay m=1.
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DE ON LUVEN SO 4

Cau 1: Cho ham s6 y=x’+2x>+x+6, khang
dinh nao sau day la dung vé tinh don diéu cta
ham s&?

A. Ham s6 dong bién trén (—oo;—l) va

)

B. Ham s0 chi nghich bién trén (_?1 ;+oo).

C. Ham s6 dong bién trén [—1;—1}

W

D. Ham s6 nghich bién trén (—oo;—l) va

]

Céau 2: Cho ham s6 yzf(x)z 32_ c6 d6 thi
x —

(C ) Khang dinh nao sau day la ding?

A. Db thi (C) c6 mot tiém can ding la dudng
thang x = V2 va khong co tiém can ngang.

B. Db thi (C) c6 dung mot tiém can dimg la
duong thang x=+2 va mot tiém can ngang la
duong thang y =0.

C. P thi (C) c6 hai tiém cén ding la hai
duong théng x=\/§;x=— 2 va mot tiém can
ngang la duong thang y =0.

D. Db thi (C) c6 hai tiém can dtng la hai
duong thang x=~2;x==/2 va khong co tiém
can ngang.

Cau 3: Ham s6 y =2x° —9x” +12x + 4 nghich bién
trén khoang nao?

A. (-=;1) B.(1,2) C.(2;3) D.(2+x)
Cau 4: Trong cac ham s6 sau ham s6 nao dong
bién trén R?

A.y=3sin(1-4x)  B.y=+vx’+3x+4
D. y=x"+5x+13

Cau 5: Cho ham s§ y=2x*+4x> -3 va cac két

C.y=x"+x"+1

qua sau:
(D: yor=-3 tai x=0. (II): y, =3 tai x=1.
(IM): y., =3 tai x=-1

Két luan nao dung?
A.Chil
C.ChillI

Cau 6: Cho ham s0 y :(x2 - 4)4 dat cuc dai v,

B.Chill
D.CalL 11, II.

tat x,; dat cuec tiéu Yor tal x ;. Két qua nao sau
day sai?
A‘|xc9 _xCT|:2 B. Yep-Yer =0

C. |Yep —Yer|=16 D. x 0

coXer =

Cau 7: Cho ham s6 y = f(x)= Jx? . Két luan nao

sau day la sai?
A. y. =0 khi x=0.

B. £'(0)=1va f'(x)=1Lx#0.
C. Miny=0 khi x=0.

D. Ham s0 lién tuc tai moi x € R.

A i o e oy X 4+3
Cau 8: Tim gia tri nho nhat cia ham s6 y = n
x p—
trén doan [2;4].
A. r[rzl;ar]1y=6 B.r[rzl;ar]1y=—2
. . 19
Cppy=® Dy
A it oo e DX 43
Cau 9: Tim gia tri nho nhat cia ham s6 y = >
x p—
trén [3;5].
A. Minyz§ B. Minyz—é
[3:5] 3 [3:5] 2
C. Z[\glg]iy:—Z D. Z[\glgfy:S

CAau 10: Bac Tdm cb céi ao ¢6 dién tich 50m* dé
nudi ca. Vu vira qua bac nuodi véi mat do 20
con / m* vathu duoc 1,5 tdn ca thanh pham. Theo
kinh nghiém nuéi ca ctia cia minh, bac thdy ct tha
giam di 8 con / m* thi mbi con ca thanh pham thu
dwoc tang thém 0,5 kg. Vay vu tdi bac phai mua
bao nhiéu con ca giéng d€ dat dugc tdng nang
sudt cao nhat? (Gia sit khong c6 hao hut trong qua
trinh nuo6i).

A. 488 con B. 512 con

C. 1000 con D. 215 con.
Cau 11: Tim tat ca cac gia tri ctia tham sd m d€ ham

sOy= 200sx+3 nghich bién trén khoang (0;2].

2cosx—m
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<-3
Am>-3 B.|"
m>2
-3<m<1
C.m<-3 D. &
m>2

Cau 12: Nghiém ctia phuong trinh:
log, (x3 +3x+ 4) =log, 8 la:

A x=—4 B. x=1
x=1 R <A
C. D. V6 nghiém.
x=-4

Cau 13: Tim dao ham cia ham s6 y = ln(cos x) ?

L
COSXx S x

A. tanx B. —tanx C.

Cau 14: Tim ménh dé sai trong cac ménh dé sau:
A. Véi bat

log,x>b(a>0,a#1), néu a>1 thi tdp nghiém

phuong  trinh  dang

ctia bat phuwong trinh 1a (ab ,'+oo).
B. Vd6i  bat

log, x >b(a>0,a#1),néu 0 <a<1thi tap nghiém

phuong  trinh  dang

ctia bat phuwong trinh 1a (O,' a )
C. Véi  bat

logux<b(a>0,a¢1), néu a>1 thi tdp nghiém

phuong  trinh  dang

cua bt phuwong trinh la (O; a )
D. Vdéi  bat

log, x<b(a>0,a#1),néu 0<a<1 thitdp nghiém

phuong  trinh  dang

ctia bat phuwong trinh 1a (0; a’ )
s 2
3

Cau 15: Cho cac sO M=(\/§)5;N=(\/g);

5

P= (\/g )g . B4t dang thitc nao sau day dang?

A. M >N >P. B. M>P>N.
C.P>M>N D. N>P> M.
Cau 16: Tinh N =log,, 32 néu log, 14 =m.
A. N=3m+1 B.N=3m-2
C.N= > D.N:L

2m-2 m—1

Cau 17: Tim tap xac dinh cta ham sé&:

y:,/10g2(4—x)—1.

A.(-0;4) B.(-%;2) C.(—0;2] D.[2;4)

e’ +2

Cau 18: Dao ham ctia ham s6 y =— la:
sinx

A e’ (sinx - cosx)—cosx

sin® x

e’ (sinx + cosx) —2cosx

sin® x

e’ (sinx —cosx) —2cosx

sin® x

e’ (sinx—cosx)+2cosx

sin® x
Cau 19: Mot hoc sinh thiyec hién giai bai toan: “So

5 B
sanh (g) va (gj ” Tan lwot nhu sau:

I. Ta c6, tit bat dang thiec hién nhién 7* <10,

2 2 \/E 2 0
suy ra: 0<X <1 | <1=|
10 10 10

V2 V2 V2 -2
II. Suy ra I E| <L) <2 .
2 5 2 5

B B
IIL Ma —v2 >—/3 nén (g] >(5] .

5
T . T -6
Vay | — - .

Ly luan trén:

A. Sai tir giai doanI.  B. Sai ttr giai doan II.

C. Sai tte giai doan III. D. la mot 10i giai dung.
CAu 20: S8 nghiém ctia phurong trinh 2271 =1
la:

A.0 B.1 C.2 D.3
Cau 21: Biét rang ngay 1 thang 1 nam 2001, dan
sO Viét Nam 1a 78.685.800 nguoi va ti 1¢ tang dan
sd nam dd la 1,7% . Cho biét su tang dan s6 duoc
wdc tinh theo cong thite S= A.e™ ( trong do A la
dan s8 ctia ndm lay lam mdc tinh, S la déan s6 sau
N nam, r 1a ti 1¢ téng dan s§ hang nam). Ctt ting
dan s6 vdi ti 1é nhw vay thi dén ndm nao dan s6
nude ta & mie 120 triéu nguoi? (Két qua cd thé

tinh & murc xdp xi)

A.2026  B.2022  C.2020  D.2025
Cau 22: Ham s6 nao dudi day khong la nguyén
o x(2+x)
ham ctia ham s6 f(x) =77
(x+1)
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2 _ 2__
A.x +x-1 B.x x—1
x+1 x+1
X +x+1 D. x?
x+1 x+1

Cau 23: Tim khang dinh déng trong céc khang
dinh sau?

1 1
A. jsinx(l—x)dx =Isinxdx
0

g

B. _Tsm dx = 2Ismxdx

L'—-H Ot-,g o

Cau 24: Tim cau sai?

A. _b[(f(x)+ (x))dx = jf

B. [Kf(x)

a

dx+_[g
x)dx = kjf

C. | f(x)dx=1

D.

[ — s D=,

f(x)dx+ j f(x)dx = j f(x
Cau 25: Goi N(t) (ml/ phut) 1a tdc do ro ri dau
tir c4i thiing tai thoi diém f. Biét N'(¢)=t(t-1) .

Khi d6 luong dau ro ri ra trong mot tiéng dau tién

la:
1
A. 3097800ml B. —ml
12
C. 30789800 ml D. 12ml

Cau 26: Tinh thé tich khoi tron xoay khi quay
phan mat phang gi6i han béi duong cong y = x*
vay= Jx quanh truc Ox?

JNpL B. V=20
5 15
C. V_37t D. V_3n
10 5

Cau 27: Tinh dién tich hinh phang gi6i han boi d6
thi ham s6 y=x*-5x+4, truc hoanh va hai
duong thang x =0;x =1.

A.% B. 8 C. 38 D 64

5 15 25

>
Cau 28: Tinh tich phan I sin3xcos’ 2xdx.
0
A2 B2 2 D=
3 42 7 21
Cau 29: Tinh .
A. -1 B.1 C. i D. i
Céu 30: Tinh (4-7i)+(-5i+7).
A.11-12i B.-1+i C.12+11i D. -1
Cau 31: Cho phwong trinh:
z’ —(2—5i)z—6—4i =0. Trong cac s0:

L2-3 IL2+3 I -2i IV. 2i
Nhiing s6 nao la nghiém ctia phuong trinh trén?
A LTI B.L III C.ILII  D.IL IV

Cau 32: S6 phtrc thoéa man diéu kién nao thi co

phan biéu dién 1a phan gach chéo trong hinh vé
(k& ca bién)?
///

A. S6 phtic z ¢6 phan thuc thudc doan [—3; —2]

y}\

5
>
X

trén truc Ox, phan ao thudc doan [1;3] trén truc
Oy.

B. S6 phtic z ¢6 phan thuc thudc doan [1;3]
trén truc Ox, phan ao thudc doan [—3;—2] trén
truc Oy.

C. S6 phtic z c6 phan thuc thudc doan [—3; —2]
trén truc Oy, phan ao thudc doan [1;3] trén truc
Ox.

D. S6 phtic z c6 phan thuc thudc (—3; —2) trén
truc Ox, phan ao thudc (1;3) trén truc Oy.

Cau 33: Tim phan thuc, phan ao cua s6 phtc sau
(4—1)+(2+3i)—(5+i)

A. S6 phtic trén ¢ phan thucla 1, phén ao la i.

B. SG phtic trén c6 phan thyela 1, phan aola -1.

C. S6 phtic trén ¢6 phéan thucla 1, phan aola 1.

D. S6 phtic trén c6 phan thucla 1, phan aola —i.
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A VI S o
Cau 34: Viét s6 phttc — O dang chuan voi
z

z=1+1.
At s llcly b
2 4 4 2

Cau 35: Cho hinh choép S.ABCD c¢6 day ABCD la
hinh chit nhat, canh bén SA vudng goc véi day.

Biét khoang cach tr A dén (SBD) bing %.
Khoang cach tir C d&n mat phang (SBD) bang:

A% g2 32 pk
7 7 14 7

Cau 36: Cho hinh hop chit nhat ABCD.A'B'C'D'
c6 cac kich thudc a,2a,a\/§ . Thé tich ctia khéi hop
béng:

23

D. a3
3 N3

Cau 37: Cho hinh chép S.ABC. Goi M, N Ianluot

A. B. 253 C.

24°\3
3

la trung diém cta SB,SC. Ti s8 Yom bang bao
SABC
nhiéu?
Al B2 il bl
2 8 6 4
Cau 38: Hinh nao sau day khong phai la hinh da

dién?

A. B.

C. D.

Cau 39: Mot hop khong nép duwoc lam tir mot
manh céc tong theo hinh vé. Hop c6 ddy la mot
hinh vuéng canh x (cm), chiéu cao la h (cm) va thé
tich 1a 500cn’. Tim do dai canh hinh vudng sao

cho chiéc hop lam ra ton it bia cac tong nhat.

h
h x h
X
h
A.10cm B.5cm C.2cm D.3cm

Céu 40: Cho hinh hop ABCD.A'B'C'D' ¢6 thé'tich
la V. Goi M,N,Q lan luot la trung diém cua
AD,DC va B'C'. Thé tich cua khoi t¢ dién

QBMN bang:
A2 ¥ Y pl
8 3 8 4

Cau 41: Nguoi ta x&€p 7 hinh tru ¢6 cung ban kinh
day r va cung chiéu cao h vao mot cdi lo hinh tru
cling c6 chiéu cao &, sao cho tat ca cac hinh tron
ddy cta hinh tru nho déu tiép xtc véi ddy cua
hinh try 16n, hinh try ndm chinh gitra tiép xtc véi
sdu hinh tru xung quanh, mdi hinh tru xung
quanh déu ti€p xuc véi cac duong sinh ctia lo hinh
tru 16n. Khi thé tich ctia 1o hinh tru 16n 1a:
A. 16n’h B. 18nr’h C. 9wr’h D. 36mr’h

Cau 42: Hinh chép S.ABC c6 day la tam giac
ABC vudng tai A, c6 SA vudng goc voi mat

phing (ABC) va c6 SA=a,AB=b,AC=c. Mit
cau ngoai tiép hinh chép cé ban kinh r bang:

B. 24/a* +b* +¢?
Na? + b + 2 TRy
f D. a - +b"+c

Cau 43: Trong khong gian Oxyz cho diém
B(O;3;7) va 1(12;5;0). Tim diém A sao cho I 1a

2
A. §(a+b+c)

C.

trung diém cua doan AB.
A. (2;5;-5)
C. (24,7;,-7)

B. (0;1;-1)

D. (1;2;-5)

CAu 44: Tim diém M & trén truc Ox va cach déu

hai mit phang: x+2y-2z+1=0 va

2x+2y+z-5=0.
A. (-4;0;0)

C. (-6;0;0)
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Cau 45: Viét phuong trinh mat phang di qua 3
diém A(1;-3;0),B(-2,9;7);C(0;0;1).
A.9x-4y-9z+7=0 B.9x+4y-3z+3=0
C. 9x+4y-9z-9=0 D. -9x-4y+9z+9=0
Cau 46: Mgt phang 2x-5y—-z+1=0 c6 vecto
phap tuyén nao sau day?

A. (—4,10;2) B. (2,5:1)

C. (-2;5;-1) D. (-2;-5;1)
CAu 47: Tinh thé tich t* dién OABC vdi A, B, CTan
luot la giao diém cia mit phang
2x-3y+5z-30=0 véi truc Ox, Oy, Oz.

A.78 B. 120 C.91 D. 150

Cau 48: Viét phuwong trinh mat cau tam [ (1; 4; —7)
tiép xtic véi mat phang 6x+6y—7z+42=0.

A (x=5) +(y-3) +(z+1) =2

B. (x+1)2+(y—3)2+(z—3)2 =1

C. (x-1) +(y—4) +(z+7) =121

D. (x-1) +(y-2) +(z-2) =9
Cau 49: Cho mdt cau (S) c6 phuong trinh
phang
(P):3x—2y+6z+m=0. (S) va (P) c6 giao nhau
khi:

A. m>9 hoac m<-5. B. -5<m<9.

C.2<m<3.
Cau 50: Viét phuong trinh mat cau ngoai tiép t&
diéen ABCD véi  A(1;1;0),B(1;0;1),C(0;1;1),
D(1;2;3).

4y’ +7 —4x—2y+2z+5=0va  mat

D. m >3 hodc m < 2.

A x> +y*+2* -3x-3y-3z+6=0.
B. x> +y’ +2z° -3x-3y-3z+5=0.
C.x*+y*+2z°-3x-3y-3z+4=0.
D. x> +y* +z* -3x-3y-3z+3=0.
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STUDY TIPS
Nhin téng quan thi rd rang
cac phuong an déu noéi vé
cac tiém can cua d6 thi ham
s0, do do ta sé di tim tiém
can déng va tiém can
ngang cua d6 thi ham s6.

PAP AN
1A 2C 3B 4D | 5A 6C 7B 8A | 9A | 10B
11D | 12B | 13B | 14D | 15C | 16C | 17C | 18C | 19C | 20C
21D | 22A | 23B | 24C | 25A | 26C | 27C | 28D | 29D | 30A
31B | 32A | 33C | 34B | 35A | 36B | 37D | 38A | 39A | 40C
41C | 42C | 43C | 44D | 45B | 46A | 47D | 48C | 49B | 50C

HUGNG DAN GIAI CHI TIET
Cau 1: Pap an A.
Vi bai toan dang nay, ta xét phuong trinh y'=0 va tim khoang don diéu cua

x=-1
ham sd. Tacd y'=3x> +4x+1; y'=0< 1 -

3
Cung nhd lai dang do thi ma t6i da nhdc dén nhiéu [an trong cac dé trude, d6 la
bang dang do thi ham béc ba trong sach giao khoa nhu sau:
Do day la ham sd bac ba co hé s6 a =1> 0 nén do thi ham s6 sé€ c6 dang chit N (
chi mang tinh chdt meo minh hoa) nhu hinh bén.
Khi d6 theo chiéu ctia cac duong thang ta nhan ra khoang don diéu ctia ham s&

nhu sau:

Ham s6 dong bién trén (—oo; —1) va (—%; +OO] , ham s6 nghich bién trén (—1; —%]
Vay A dung.

Cau 2: Dap an C.

x=—2

Ta ¢ x2—2:O<:>[

. 3- - Ay A A , s wa s
lim — ad =400 ; lim 3-x = - :>x=\/§ la mot tiém can ding ctia d6 thi
x—»«/5+x -2 x—>V2 X -2
ham s6.
lim 3-x =—w; lim Y i :>x=—\/§ la mot tiém can ding ctia d6 thi
x>2" x2—2 x>-2 X -2
ham s6
3. 1
3—x . 2 0
lim > =limX—X="=0
X0 2 x~>+w1 1
x2
3. 1
2 0
lim > =lim*X X===0
X0y D X+ 2 1
x2

= y =0 la mot tiém can ngang cua d6 thi ham sé.

Cau 3: Pap an B.

Tuong tw nhu bai 1, ta s& di tim khoang don diéu ctia ham s6 bang cach giai
x=1

phuong trinh y'=0 < 6x>-18x+12=0 <:>[ 5
X =
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Ta c6 ham s6 la ham bacba c6 hé s6 a=2 >0 nén d6 thi ham so s€ c6 dang nhw
hinh bén.

Khi d6 nhin vao hinh vé ta sé& thdy ngay ham s6 nghich bién trén (1;2). Thyc ra
néu quy ddc gia nhd dang d6 thi thi viéc nhép roi vé nhu thé nay la khéng can
thiét, tuy nhién néu vé nhanh ra nhap cting khong hé ton thoi gian ctia ban, chi
can mot nét cht N la xong, bai toan nhanh chéng duoc giai quyét.

Cau 4: Dap an D.

Nhén xét d€ lam nhanh bai toan nay, ta khong nén di xét tieng ham s6 mot xem
c6 dong bién trén R hay khong vi sé rat mat thoi gian. Nhin tong quan cac
phuong an ta thdy rd rang ham béc bdn sé ludn ¢ khoang dong bién khoang
nghich bién nén ta loai luén C. D& xét tiép ta s& xét ham bac ba do d6 1a ham dé
nhdm nhat. Nhan thay y'=3x’+5>0nén ham sd luén dong bién trén R. Ta
chon luén D ma khong can xét cac dap an con lai.

Cau 5: Dap an A.

Ta xét phuong trinh y'=0 dé tim gia tri cyec ti€u ctia ham so.

y'=0<8x +8x=0<x=0.

Ta lai cung nhé lai dang d6 thi cia ham béc bon, khi phuwong trinh y'=0 chi c6
mot nghiém duy nhat thi d6 thi ham s ¢6 dang mot parabol c6 dinh la diém cuc
tiéu ctia d6 thi ham s6. Do d6 y., =-3 tai x=0.

Cau 6: Dap an C.

x=0
Ta xét phwong trinh y'=0 < 4.2x.(x2 —4)3 =0 &|x=2
x=-2
Ta c6 bang bién thién sau:
X |—0 -2 0 2 +o0
fx) -0 + 0 - 0 +

fio \0 /256\0/

Vay ham s6 dat y_, =256 tai x., =0, hams6 dat y., =0 tai x., =-2; x., =2.

Vay dap an saila C.

Cau 7: Dap an B.

X
Jx

khong c6 dao ham tai x =0, nhung ham s6 dat cuc ti€u tai x=0. Do d6 Ava C

Tuong tu bai trén ta xét phwong trinh y'=0 < 0. Ta nhan thady ham s6

dung. RS rang ham s khong c6 dao ham tai x =0, nén B 1a dap an can tim.
Cau 8: Dap an A.

., x*-2x-3 x=—1e[2;4].

: — =0
x-1 x=3e[2;4].
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STUDY TIPS
bay 1a mot bai toan thuec t€
dua trén kién thitc da hoc,
dd 1a tim gia tri lon nhét cua
ham s6. Dé bai cho ta kha

nhiéu di kién.

MathVA

a=Value ngimum=
488

Do ham s6 da cho lién tuc trén doan [2;4] va co y(2) =7;y(3)=6,'y(4) =%.

Suy ra r[rﬁr]l y=6.

Cau 9: Dap an A.

Xét phuong trinh: y'=0 < <0 véimoi x #2.

2

(x-2)

Khi 6 ta co ham s6 nghich biéh trén [3;5]. Vay Miny = y(5) =
Cau 10: Pap an B.
Thuc chat dit kién dién tich m&t ao va mat dd ban dau la cho ta di kién r??mg nam
d6 bac da tha bao nhiéu con gidng, ta bat dau tién hanh vao bai todn nhu sau:

SO ca bac da tha trong vu vira qua la 20.50 =1000 con.
Tiép dén ta phai tim xem néu giam di x con thi mdi con sé ting thém bao nhiéu.
Trong héa hoc cac quy doc gia da hoc cach lam nay roi, va bay gio toi sé gioi
thiéu lai cho quy doc gia:

Khi giam 8 con thi ndng sudt tang 0,5kg / con.

Khi giam x con thi ndng suédt tang a kg / con.

0,5.x
8

bén day ta tinh theo cach nhéan chéo: a= =0,0625xkg / con .

Vay san luong thu duoc trong ndm t6i ctia bac Tom sé la:
£(x)=(1000 - x)(1,5+ 0,0625x) kg

f(x)=-0,0625x> —1,5x + 1500 + 62,5x =-0,0625x" + 61x + 1500

Vi day la ham s8 bac 2 nén dén day ta c6 thé tim nhanh GTLN ctia ham s bang
cach bdm mdy tinh nhu sau:

1. An MODE — 5: EQN — 4n 3 d€ giai phuong trinh bac 2.

2. Lan lugt nhdp cac hé sd vao va an brimg cho dén khi may hién nhu hinh vé.
Luc d6 ta nhan dwgc ham s6 dat GTLN tai x =488.Vay sO ca giam di la 488 con.
bén day nhiéu doc gia co thé sé chon ngay dap an A. Tuy nhién dé bai hdi “vu
t61 bac phai mua bao nhiéu con c4 giong” thi dap an ching ta can tim phai la
1000-488 =512 . Bap an B.

Cau 11: Pap an D.

Ta thdy néu ddt t =cosx véi xe [0;%} thi te (% ;1}. Tirc 1a tim diéu kién dé

hams6 y = f (t) = 22: *3 nghich bién trén khoang (% ;1).

2.(—m)—3.2 _ 2m-—6
(2t-m)  (2t-m)

Xét y'=

D€ thoa méan yéu cau cua dé bai thi y'<0 vdi moi te(% ;1}.
Dm— 2m-6<0 -3<m<1
Ttec la 2m—62<0 vl moi te[l;lj = & .
(2t —m) 2 meg(1;2) m>2

Cau 12: Pap an B.
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STUDY TIPS
Nhiéu quy doc gia quén
diéu kién din dén chon C 1a
sai. Hay cht y c¢6 diéu kién
d€ giai nghiém phuong
trinh that chinh xac.

STUDY TIPS
Nhiéu doc gia da quén u' &
trén tir s6, khi d6 sé chon C
la sai. Nhiéu ban lai nhé
nham cong thitc va chon D

Diéu kién: x* +3x+4>0

. 5 5 x=1
Phuong trinh < x” +3x+4=8 < x" +3x-4=0 < 4

X =—
Thtr lai thi chi thay x =1 thda man.
Cau 13: Dap an B.
Ta nh¢ lai cong thitc dao ham ham hop ctia ham logarit Né-pe nhu sau:
(ln u)' =% Khidé ap dung cong thitc trén vao ta duwoc:
u

—sinx
=—tanx

y'= (ln(cos x)) =
Cau 14: Pap an D.
Ta cung nh¢ lai kién thitc chiing ta da hoc trong chwong trinh 16p 12 THPT nhw

COS X

cling sai.
sau:
V6i a>0;a=1. Khi dé log, x>b <> log, x>log, a’.
Diéu kién x>0
Néu a>1 thi bat phwong trinh < x >a’ . Khi do tdp nghiém ciia bit phwong trinh 1
(a” ;+oo) .
Néu 0<a<1 thi bat phuwong trinh < x <a’. Khi dé tdp nghiém ciia bat phwong trinh
la (0;a").
Khi bat phuong trinh dao chiéu thi ta cé thé ty suy ra dugc két qua.
Khi d6 ro rang ta thdy: A dung, B ding, C dung, chi c6 D sai do:
log, x<log, 4", ma0<a<1 dodd x>a’, tircla tap nghiém ctia bat phuong trinh
la (ab;+oo).
Cau 15: Bap an C.
Ta sé so sanh hai s6 ¢6 cing co s6 1a M va N trude. Ta thdy J5>1 do dé ta di so
sanh hai s6 mi voi nhau, ro rang 573 do do (\/5)5 > (\/5)3 < M >N. Do do
ta c6 thé loai D. Tiép tuc ta so sanh P véi mot trong hai s6 M hodc N. ) day ro
rang ta thdy co s0 J6 >+/5 va ss mit cting 16n hon han hai s§ mii con lai do &6
ta 6 thé suy luan duoc P>M >N ..
Cau 16: Dap an C.

. log, 32
STUDY TIPS Cdch1: log,, 32 = 10g2 - 7o >
Véi bai nay, tdi nghi diing 0g,49 log,7" 2log,7
may tinh tht ciing kha 5 5 5

nhanh, nhung truedce tién t6i
sé gidi thiéu cach lam theo
toan thong thuong r6i sau
dé sé gidi thiéu cach bdm
may.

2log, % 2(log2 14 -log, 2) 2m-2

Thuee chat bai toan nay tuw duy nhdm kh4 1a nhanh.
Cdch 2: bam may tinh. Budc dau tién la gan log, 14 vao A. Khi d¢6 ta sé nhap:

log, 14 — [SHIFT|STOA.

Khi d6 log, 14 da duoc gén cho A. Budc tiép theo 1a ta th tling dap an mot bang

cach xét hiéu cta log,, 32 vdi cac gia tri trong tng ¢ cac phurong an nhu sau:
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STUDY TIPS
Nhiéu doc gia giai bat
phuong trinh sai ddu dan
dén chon D. Hodc quén
diéu kién dé€ can thic ton
tai nén chon A la sai.

STUDY TIPS
Nhiéu doc gia 1an 16n gitra
cong thitc dao ham mot tich
v6i mot thuong nén nham
d&u & trén tir s, tire 1a chon
phuong an D.

Véi phuong an A: ta s€ nhap nhu sau:
10945(32)-(3A+1)
-11.5315468

Hiéu khac 0 do d6 day la phwong an sai. Chu y, d€ nhap dugc A nhw trén hinh thi
ta an A

Ti€p tuc th thi ta sé chon duoc C.

Cau 17: Pap an C.

O day co hai dang diéu kién, thit nhét la diéu kién d€ logarit ton tai, thi hai la

diéu kién &€ cin thitc ton tai nhw sau:

4-x>0 {x<4 {x<4

= = S x<2
log,(4-x)>1"" |4-x22 " |x<2

Diéu kién: {
Cau 18: Pap an C.
_u'v-v'u

2

Ta tinh dao ham ctia ham s8 bang cach st dung cong thitc EEJ
v v

N ) '_(e’(+2)'.sinx—(sinx)'.(ex+2)
Khi d6 [ sinxj = prmeR
_e".sinx—cosx.(eerZ) e"(sinx—cosx)—Zcosx

sin® x sin® x

Céau 19: Dap an C.
Ta lan luot soat timg budce lam cua ban hoc sinh nay nhw sau:
2

V6iI: Ta c6 n* ~9,8696 do d6 0 <’1‘—0< 1 nénI ding.

Vi II: Ta thay:
N & o,

T =221 o[ Z) | 2] <1, tir d6 suy ra Il ding. Dén day ta c6 thé loai
10 572 5) 2

A vaB.
Voi 11I: Bén day ta ti€p tuc soat. D€ so sanh duoc hai s6 mi trudc tién ta can xét

xem co s3 ctia hai 8 mii d6 nam trong khoang nao. Nhan xét m~ 3,14 khi d6
i 5
0< g <1.Vaynéu —J/2 > /3 thi [gj < (%} . Vay III sai. Ta chon luén C.

Céu 20: Bap an C.
22T 21 22T 220 o 2% —7x+1=0.
bén day bam may tinh ta thdy phuong trinh ¢6 hai nghiém phan biét do dé ta
chon ludon C.
Cau 21: Pap an D.
Ta nhan thay day la bai toan dua trén ting dung giai phuong trinh ma nhw sau:
Lan luot thay cac s6 liéu vao ta dwoc phuong trinh:
78685800.¢" "7 = 120000000
ooy _ 120000000 120000000

< N.0,017 =1n
78685800 78685800

< N »~ 24,825, tirc la xdp xi 25 nam.
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Ta c6 tinh chat vé nguyén
ham nhu sau:
Néu ham s6” f cé mot nguyén
ham F thivoi moi C e R, ham
s0 y=F(x)+C ciing la mot

nguyén ham ciia ham s6'f.
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STUDY TIPS
Day la cach dién giai vé mét
toan hoc, con quy doc gia cé
th€ bam may tinh d€ thk
tiét kiém thoi gian trong
qua trinh lam bai.

STUDY TIPS
Ta da hoc cong thirc tinh
th€ tich khéi tron xoay
duoc giéi han béi bon
duong y=f(x);y=g(x);

x=a;x="b la:

v =n_[[‘f2(x)—g2(x)‘dx

Do dé bai tinh tir thang 1 nam 2001 do d¢ ta tinh ca ndm 2001 vao d6 nita, tic la
két qua cta chung ta sé la 2001-1+25=2025.

Nhiéu ban quén khong tinh nam 2001 vao do d6 sé chon ludn A 1a sai.

Cau 22: Pap an A.

2x)

O day ta sé di im _[ dx va tim cdc hang s§ C dé xét xem phuong an nao
x

+1)
x+1)

(x+1)
1 X +x+1

=x+I_—12d(x+1)=x+ +C = +C
(x+1) x+1 x+1

sai nhu sau: I dx I 1- dx

(x+1)2

Véi C=-2;C=0va C=-1 thi B, C, D dang. Khi d¢ ta sé chon luén A.
Cau 23: Pap an B.
Ta c6 thé nhan ra ngay A sai.

V6i B ta c : Dat tz%:dt:%dx.f)ﬁicén:

A

T

b 2
Jsingdx = ZI sintdt . Vay B dung.
0 0

Cau 24: Pap an C.

Pay chi la cdc tinh chét ctia tich phan ma ching ta da dwoc hoc, tinh chét tha
nhét quy tc tinh tong hai tich phan c6 cling can, day la tinh chat ding.

Quy tac thi hai 1a quy tac khi nhan mot hang s6 véi mot tich phan, quy tac nay

cling dung.

Vi quy the thir ba, ta thily: | f(x)dx = F(x) ’

=F(a)-F(a)=0. Vay C sai.

Cau 25: Pap an A.
Phdn tich: Thuc chat day 1a mot bai toan tinh tich phan.
N'()=t(# =2t +1) = =26 +¢
Viluong dau tinh theo phut, nén cong thitc tinh luong dau sé dwoc tinh nhuw sau:

1, 2, 1,60
jN dt_j(t —28 +t)dt =<t =S8 +—F| 7 =3097800 (ml ).
4 3 2

Cau 26: Dap an C.

X
Xét phurong trinh hoanh d6 giao diém ta cé x* = Jx o { . Ta thay trén (0;1)
X

1 1 1) 3
=T| ——— |=—TC
0 2 5/ 10

1 2 5
thi x/;Zx .Nén V =nj(x—x4)dx:n[x——x—]
0

2 5

Cau 27: Dap an C.
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Ta c6 cong thiic tinh dién tich hinh phang giéi han boi y = f(x);y =0;x=ax=b
b 1
1a § = [|f(x)|dx . Khi d6 ta 4p dung vao bai todn: S = [|x* 51" +4|dx.
a 0
(

Nhén xét f x):x4—5x2+420 v4i moi xe[O;l].

1 38

1 5
Khi dé: S:J(x4—5x2+4)dx: x——§x3+4x =,
J 5 3 0 15

Cau 28: Pap an D.

— @ W 4 Thuc chat bai todn nay c6 thé giai quyét mot cach dé dang bang viéc bAm may
Jgsjn(ﬁ}{)}:(cgslp tinh nhu hinh bén.
-0.04761904762 Tt d6 bdm két qua cac phuong an dé€ chon phuong an dung, rd rang & day co

ddu "-" nén ta chi can xét phwong an B hodc D. Luc nay quy ddc gia co thé gite
nguyén man hinh nhu thé va an —(—%j ra két qua khéc 0 thi ta chon D luén.

Cach giai thich ro rang vé mat toan hoc:

sin3xcos” 2xdx = (3sinx —4sin® x)cos2 2xdx

Oy
O

(3—4(1 —cos® x))c032 2x.sinxdx =— (4cos2 x— 1)(2(:052 x —1)2 d(cosx)

Il
O [
O [ 3

ct—ly

(16 cos® x —20cos* x +8cos® x — 1)d(cos x)

m
= —[Ecos7 % —4cos® x+ S cos® 1 - cosxj 2 =——.
7 3 21
0
Céu 29: Dap an D.
. . . . 1004 . . .
Ta thdy " =i"".i =(12> i=1li=i.Tastkdyung i*=-1.
Céu 30: Dap an A.
Tac6 (4-7i)+(-5i+7)=11-12i.
Céu 31: Dap an B.
Véi bai toan nay ta dat z=x+yi (x, ye ]R) . Khi d6 phuong trinh:
& (x+yi) —(2-5i)(x+yi)~6-4i=0
o X +2xyi+iy’ —(2x+2yi—5xi—5yi2)—6—4i=0
ox-y +2xyi—(2x+5y—(2y—5x)i)—6—4i:0
©x'—y? —2x -5y -6+ (2xy -2y +5x—4)i=0

X —y*-2x-5y-6=0
2xy -2y +5x-4=0
R4 rang dén day viéc giai hé phuong trinh nay mat kha nhiéu thoi gian nhu sau:

Cho nén ta nén thir tlig dap an r6i bang cach bAm may nhuw sau:
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CMPLY @ Math A

HE-(2-5i)H-6-4

STUDY TIPS
Nhiéu quy doc gia nham
gitta phan thuc va phéan ao
nén chon sai dap an.

STUDY TIPS
Phan ao khong chita i.

Dau tién ta chuyén mdy tinh vé ch& do tinh toan véi s§ phitc bang cach bam
IMODE — 2: CMPLX]. Khi d6 ta nhap vao man hinh biéu thitc phurong trinh nhue
sau: X* —(2-5i) X -6 —4i

Khi d6 &n va Ian luot thir timg nghiém, tir d6 ta nhan duoc két qua I va
III la nghiém ctia phuong trinh. Véi bai toan dang nay, toi khuyén quy doc gia

nén thir may tinh thé tiét kiém thoi gian lam bai.

Céu 32: Dap an A.

Ta c6 s6 phttc z=x+yi (x,y € R) khi d6 diém M (x;y) trong hé toa d6 phing
vudng goc 1a diém bidu dién s8 phtic z. Vay khi d6 ta thay khi chiéu xudng truc
Ox thi -3 <x<-2 ttc la phan thyc clia z nam trong doan [-3;-2], va ta thdy
1<y <3, khi d6 phan 4o ctia z ndm trong doan [1; 3] .

Cau 33: Pap an C.

Taco: (4—i)+(2+3i)—(5+i)=1+i.

Cau 34: Pap an B.

Bam may tinh ta duwoc dap an B.

LI 1 _ 1 1 2421 1,
(1+if ©+3°+3i+1 —i-3+3i+1 2+2i -8

Céu 35: Dap an A.
Vi bai toan nay ta thady A va C d6i xttng nhau qua tam O. Ta nhd dén hé qua

sau:

d(M;(P)) _1m

Cho mdt phang (P) va dogn thang MN. Véi MN (P) =1 thi: m =N

Khi d6 ap dung vao bai toan ta thdy AC N (SBD) =0 do vay ap dung hé qua

d(A;(SBD)) o4
d(C;(sBD)) OC
Céu 36: Dap an B.

Day la bai todn don gian nén ta khong can phai vé hinh ma tim ludn thé tich cta
hinh hop chit nhat: V =abc = a2a.a\3 =2a°\3 .

Cau 37: Pap an D.

Nhan thdy hai t& dién SAMN va SABC c¢6 chung chiéu cao tir dinh A dén mat
phang (SBC ), do dé ta chi di so sdnh dién tich ctia hai ddy SMN va SBC . Ta co6

6a

trén ta duoc: 1= d(C;(SBD)) = -

MN la duong trung binh ctia tam giac SBC, do d6 MN = %BC .

. o  d(SMN) 1
Khi d6 ap dung dinh li Thales ta c6 ——~=—.
d(S;BC) 2
\%
Khi d6 SS_MN:ll:l . Khi d6 le.
S 22 4 \% 4

SBC SBAC

Cau 38: Dap an A.
Ta nhd lai cac kién thitc vé hinh da dién nhu sau:

Hinh da dién la hinh dwoc tao boi mot s hitu han cdc da gidc thod man hai tinh chit:
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STUDY TIPS
Ngoai cich lam bing bat
dang thitc nhe trén quy
ddc gia c6 thé lam bing
cach xét ham s6 roi dao
ham tim nghiém phuong
trinh f'(x):O cling ra

duoc kétqua x=10.

3r

a, Hai da gidc bit ki hodc khong cé diém chung, hodc ¢é mét dinh chung, hodc cé mot
canh chung.

b, Méi canh ctia da gidc la canh chung cta ding hai da gidc.

Ta thdy hinh A vi pham tinh chat thit hai trong diéu kién d€ c6 mot hinh da dién.
Ta thay canh ¢ gitta khong phai la canh chung cua dung hai da gidc ma la canh
chung ctia bon da giac.

Cau 39: Dap an A.

Ta c6 thé tich hop dugc tinh bang cong thiic: V = x.x.h=x>h=500.

Khi d6 luwong bia cac tong can d€ lam hop duwoc tinh bang dién tich toan phan

ctia hop: S, =S, +S, =xx+dhx=x"+4hx.

day
Cong viéc clia chiing ta bay gio la di tim gid tri nho nhat cta S, . Tir dit kién da
. C A n s 500 -
o ta co thé thay thé hx bang — . Khi do:
x

w+a 200 2 200, 1000 1000, 331000° (ap dung BDT Cauchy)
x x X X

1000
x

< x°=1000 < x =10

Dau béng xay ra khi va chi khi: x? =
Cau 40: Pap an C.

. 1
Taco: Vg :g.d(Q;(BMN)).SBMN (1)

RO rang ta nhan thay hinh t dién QBMN vahinhhop ABCDA'B'C'D" ¢6 chiéu

. S
cao bang nhau. Nén ta chi di tim ti 1& —24*-.
ABCD
Ta CO’ SABCD =SDMN +SABM +SBNC + SBMN :SBMN = ABCD SDMN _SAMB _SBNC
Miit khac ta co: ooy — Somy (11 1. Supy _ Sepy 111
ABCD ZSADC 2 4 8 SABCD 2SABD 2 2 4
Tuong tu thi S _1
ABCD 4
. 2 1 1 1 S 3
Khi do S =(1 ______ ]5 e ZBMN _ 2 (o
o 8 4 4) 7" Sipep 8 ( )
\%
Tw (1) va (2) suy ra QBMN :1.2:l :VQBMN =K.
VABCD 3 8 8 8

Cau 41: Pap an C.

Ta c6 hinh vé minh hga mat day ctia hinh da cho nhu trén, khi d6 ra rd rang nhan
rarang R =3r, dé bai thi c6 vé kha phtic tap, tuy nhién néu dé'y ki thi lai rat don
gian. Vay khi d6 V =BJi=(3r) mh=9uh.

Cau 42: Dap an C.

Céch xac dinh tam mat cau ngoai tiép hinh chop t6i da gidi thiéu cho quy doc

gia 0 cac dé trude, do vay & dé nay tdi xin 4p dung ludn vao hinh vé nhu sau:

Buéc 1: vé truc duong tron cta tam giac day.

Goi M la trung diém ctia BC, khi d6 thi M la tdm ctia duong tron ngoai ti€p tam
gidac ABC do ABC vudng tai A. Ké Mx L (ABC ) khi d6 Mx la truc duong tron
cua tam giac day ABC.
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Budc 2: 1dy giao diém cta truc duong tron véi trung truec ctia canh bén.

Ké NI 1a trung truc cia SA (I € Mx) . Khi d6 I chinh la tam duong tron ngoai tiép
hinh chop SABC.

Céch dién giai phia trén thi kha lang nhing, tuy nhién lic lam bai thi, khi te duy
nhanh, diéu nay lai tro nén kha don gian.

Ta di tim R=IA. T gidc ANIM la hinh cht nhat do d¢:

2 2
A=V AM? + MI* = BZ +Si =%.\/a2+b2+c2

Cau 43: Dap an C.

bay la bai toan mo dau phan Oxyz kha don gian, chi yéu cau ki nang vé mat
nhdm nhanh. Ta ¢6 I la trung diém ciua AB thi x, =2x, —x, =24 , chi cin nham
dén day da chon luén duoc C ma khong can tinh tiép vy ,;z, .

Cau 44: Pap an D.

Do M eOx nén M(x;O;O). Do M cach déu hai mat phang da cho nén ta co

e +1] |22 - 5| x=6
phuong trinh: = = |x + 1| = |2x - 5| = 4 .
2 (2) V22t =

Cau 45: Dap an B.

Day la dang toan co ban ctia phan phuong trinh mat phang trong khong gian.
Ta tim vtpt cia m4t phang bang cach tim tich c6 huwéng ctia hai vecto AB; AC.
Ta co @(—3;12;7); Xé(—l;?);l)

Quy doc gia c6 thé bam may tinh d€ tinh tich c¢6 hudng ctia hai vecto nhu ¢ cac
dé trude tdi da huéng dan va quy doc gia s& nhan dwoc két qua nhu sau:
n=| ABAC |=(-9;-4;3).

Khi d6 mit phang (ABC) di qua A(l;—B;O) va vtpt %:(_9;_4;3) nén phueong
trinh: (ABC):-9(x-1)-4(y+3)+3z=0

< (ABC):-9x-4y+3z-3=0<(ABC):9x+4y—-3z+3=0

Cau 46: Dap an A.

Ta c6 phuong trinh mit phang (P) rax+by +cz+d=0 co vtpt n= (a;b;c) . Khi d6
n= (2; —5; —1) chinh la trung vdi vecto 6y A. (—4;10;2)

Cau 47: Pap an D.

Tacd AeOx;BeOy;CeOz do do A(x;O;O);B(O;y;O);C(O;O;z). Khi dé6 Ian lwot
thay toa d6 cac diém trén vao phuong trinh mét phang 2x — 3y +5z-30=0 thi
ta lan luot duoc A(15;0;0), B(0;-10;0),C(0;0;6).

Ttr hinh vé trén ta nhan thdy t& dién OABC 6 cac canh bén OA;OB;OC d6i mot

1

vuong goc, dodd V.. = %.OA.OB.OC% = 5.15.10.6 =150.

Cau 48: Dap an C.
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Ta c6 mat cau tam [ tiép xtic v6i mit phing da cho, & day ta goi la mat phang
6.1+64-7.(-7)+42|
= =11
6 +62+(-7)
Vay (S):(x-1) +(y-4) +(z+7) =121.
Cau 49: Pap an B.
(S) c6 tam I(2;1;-1); ban kinh R=1.

(P) nén R=d(I;(P))

Nhu da hoc vé vi tri twong d6i gitta mat phang va duong tron thi ta di so sénh
khoang cach gifta tim I d&n mat phang (P) voi ban kinh R. Ta co:
32-21+6.(-1)+m |m-2
d(l;(P))J - U = |.
J32+(—2) +6°

Dé (S) va (P) giao nhau thi d(I;(P))SR

e —2|

<:>—S1<:>|m—2|£7 & -7<m-2<7 < -5<m<9.

Cau 50: Pap an C.

Phuong trinh mét cau ngoai tiép ti dién ABCD c¢6 dang:

(S):x% +y* +2° +2ax +2by + 2cz +d =0.

Khi d6 Tan lugt thay toa do cac diém A, B, C, D vao ta dugc hé phuong trinh bon

20+2b+d=-2
an nhu sau: 2a+2c+d==2
2b+2c+d=-2
2a+4b+6c+d=-14
3
a=—=
2
_.3
B4m mdy tinh giai hé & mdy Vinacal ta duoc <~ 2
3
c=—=
2
d=4

Néu khong c6 may Vinacal quy doc gia ¢ thé nhdm nhanh d=-2-2a-2b va
thay xu6ng ba phuong trinh con lai ctia h¢, bAm may tinh giai hé phuong trinh
ba an binh thuong. Khi d6 ta cing duoc két qua tuong tu.

Vay phuong trinh mat cau: x> +y* +z> —3x -3y -3z +4=0.
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BE ON LUVEN S0 5

Cau 1: Cho ham sd yz%x3 +mx® +(2m-1)x-1.

Ménh dé nao sau day la sai?
A. Vm <1 thi ham s6 c6 hai cuec tri.
B. Ham s6 ludn ludn c6 cuc dai va cuc tiéu.
C. Ym#1 thi ham s6 c6 cuc dai va cyc tiéu.
D. Vm>1 thi ham s6 c6 cuc tri.
ST
3-x
B. D=(—;3)

la:

Cau 2: Tap xac dinh cia ham s6 y =
A.D=R

C. D=[—%;+oo]\{3} D. D=(3;+x)

Ciu 3 Tim m dé d6 thi ham sO
y= x+1 c6 dung mot duong tiém
x> +2mx +3m + 4
can dung.
A. me{—1;4} B. me(—1;4)

C. me (—oo;—l) u(4;+oo) D. me {—5;—1;4}
Cau 4: Do thiham s8 y =ax’ +bx* +cx+d,a#0 cd
hai diém cuyec tri ndm vé hai phia ctia truc Oy.
Khang dinh nao sau day la dting?

A.a>0>c¢ B. a,b,c,d>0

C.a,c>0>b D.a,d>0>b
Cau 5: Cho ham 6 y=-x’ —x+1 c6 do thj (C)
va duong thang d:y=-x +m?. Khang dinh nao
sau day la dung?

A. Db thi (C ) ludn cat duong thang d tai ba
diém phan biét.

B. D6 thi (C ) ludn cat duwong thang d tai ding
hai diém.

C. D0 thi (C) ludn cit dudong thing d tai diém
c6 hoanh do nhé hon 1.

D. D6 thi (C ) ludn cat duong thang d tai dting
mot diém.
Cau 6: Ham s0 y = 2x° — 9x” + 12x + 4 nghich bién
trén khoang nao?

A. (-o;1) B.(1,2) C.(23)

Cau 7: D6 thi ham s6 y=-x"+6x*-13x+6 6

D. (2;+oo)

mdy diém cuec tri?

A.0 B.1 C.2 D.3
Cau 8: V6i gia tri nao ctia m d& duong thang
y=x+m di qua trung diém cua doan ndi hai

diém cyc tri cia d6 thi ham s6 y=x —6x* +9x?

A.m=0 B.m=1 C.m=2 D.m=3
Cau 9: Gi4 tri 16n nhat, gia tri nho nhat cia ham
s8 y=x"—3x -1 trén doan [-1;4] la:

A. r[x}&>]<y = 51;{{112]1}/ =-3
B. I[I_lﬁ)}(y =51; nEl_llrlJy =1
C. r[{lliﬁ(y =51; r{{ili]y =-1
D.maxy=1;{{1lgly=1

[-1:4] ]

Ciu 10: D5 thi ham s8 y=—""-_ khong c6
Vmx? +1
tiém can ngang khi va chi khi:
A.m<0 B.m=0 C.m<0 D.m>0

Cau 11: Mot nguoi néng dan c6 15 000 000 dong
dé€lam mot cai hang rao hinh ch E doc theo mot
con song (nhw hinh vé) d€ lam mot khu dat co6 hai
phan chit nhat dé trong rau. Ddi véi mdt hang rao
song song voi bo song thi chi phi nguyén vat liéu
la 60 000 dong mot mét, con do6i véi ba mat hang
rao song song nhau thi chi phi nguyén vat liéu la
50 000 dong mot mét. Tim dién tich 16n nhat cua
dat rao thu duoc.

A. 6250 m*

C. 3125 m®

Cau 12: Tim nghiém ctia bdt phuong trinh:
324" -18.2" +1<0.

1 1

A.1<x<4 B. —<x<—
16 2

C.2<x<4 D. 4<x<-1
Cau 13: Tim m dé phuong trinh 4" —2*2 +6=m
c6 dung ba nghiém.

A.2<m<3 B. m>3

C.m=2 D. m=3

Cau 14: Tap xac dinh ctia ham s&:

o 3=2x=xt
f(.X')— IOgZT la:

N D{M.JHM@
T 2 2
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B. D =(—0;-3)u(-1;1)
C.D =[—oo;ﬂ} u[—l;ﬂ}

D. D =(-o0;-3]U[ 1;+e0)
Cau 15: Gia st cac s6 logarit déu c6 nghia, diéu
nao sau day dang?
A. log b=log c=b=c
B. log b>log ce=b>c
C.log,b=log,c<=b<c
D. Ca ba phuong an trén déu sai.
Cau 16: Néu a=log,, 3 thi:

3 )
A. log, 15= 5(1—u) B. log,.15= 3(1—a)
1 1
C. log,;15= 2(1—a) D. log, 15= 5(1—a)
Cau 17: Tinh dao ham ctia ham s0 sau:
_et+e”
f('x)_ex_e—x :
A f(x)=— 2 B f(x)=em e
oo
, e’ , -5
C. f'(x)=——— D. f'(x)=

Cau 18: Cho (J§ -1)'" < (J§ - 1)" . Khi do:

A.m>n B.m<n Cm=n D. m<n

CAau 19: Dao ham ctia ham sé:
f(x)=sin2x.In*(1-x) la:

2sin2x.1n(1—x)
1-x

2sin2x.In(1-x)
1-x

C. f'(x)=2cos2x.In*(1-x)—2sin2x.In(1-x)

D. f'(x):2.cos2x+2.sin2x.ln(l—x)

Cau 20: Phat biéu nao sau day sai?

A. f(x) =2cos2x.In? (1—x)—

B. f(x) =2cos2x.In? (1—x)+

A.Haihams6 y =a* va y=log, x (0<a<1)cé
cung tinh don diéu.

B. Hai d6 thi ham s6 y=a" va y=log, x
(a >0,a# 1) d&i xting véi nhau qua duong thing
y=x.

C.Hai ham sd y=4* va y=log, x (a>0,a¢1)
€6 cung tap gia tri.

D. Hai d6 thi ham s& y=a" va y=log, x

(a >0,a# 1) déu c6 duong tiém can.

Cau 21: Khi quan sat qua trinh sao chép t€ bao
trong phong thi nghiém sinh hoc, nha sinh vat hoc
nhan thdy cac t& bao ting gap dd6i mbi phut. Biét
sau mot thoi gian ¢ thi ¢6 100 000 t€ bao va ban
dau c6 1 t€' bao duy nhat. Tim ¢.

A.t~16,61 phat  B. t~16,5 phit

C. t~15 phat D. t ~15,5 phut
Cau 22: Mot cong ty phai ganh chiu ng voi tdc do
D(t) d6lamdinam, véi D'(t)=90(t+6)V# +12t
trong do t 1a s6 luong thoi gian (tinh theo nam) k&
tir cong ty bat dau vay ng. Dén ndm thi tu cong
ty da phai chiu 1 626 000 d6 la tién ng nan. Tim

ham s6 biéu dién t6c dd ng nan ctia cong ty nay?

A f(£)=30,(* +12¢) +C

B. £(r)=303/(* +12¢)" +1610640
C. f(t)=30y(#* +12¢) +1595280

D. f(t)=303/(* +12¢)" +1610640

Cau 23: Tinh thé tich ctia khdi tron xoay dugc tao
nén khi quay hinh phing gi6i han béi d6 thi ham
sO y = m voi truc hoanh quanh truc hoanh.
A. 288 dvtt B. 144n dvtt
C. 12n dvtt D. khong tinh dwoc

Cau 24: Tinh tich phan [ dx
T X

a1-2 B1:2 c¢?2  p 2
e e e e

Cau 25: T8¢ &6 thay d6i doanh thu bang db la trén
mot may tinh) cho viéc ban x may tinh la f (x),
biét f'(x)=12x"+3x" +2x+12. Tim tdng doanh
thu khi ban duwoc muoi hai may tinh dau tién.
A. 5973984 d6 la B. 1244234 d6 la
C.622117 dola D. 2986992 d6 la
Cau 26: Tim khang dinh déng trong céc khang

dinh sau:

A. ]Esinzdxzj.sinxdx B. j(1+x)x dx=0
0 2 0 0
1 1 1
2
C. |sin(1-x)dx=|sinxdx D. |2 (1+x)dx=——
!sm( x) .!smx J; ( +x)

Cau 27: Tinh tich phan I = Icos3 x.sin xdx .
0
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1

A. I:—Zn4 B. [=-rn*
C.1=0 D.D= -i
Cau 28: S8 phttc z =5-3i c6 diém biéu dién la:
A. M(5-3) B. N(-3;5)
C. P(-5;3) D. Q(3;-5)

Cau 29: Cho z=x+iy; z'=x'+iy' (x,y,x',y'eR)
Tim ménh dé sai trong cac ménh dé sau:
A. ziz'z(xix')ﬂ'(yiy')

B. zz'=xx'- yy'+i(xy'+ x'y)

C LT Ky
z' xP+y? xP+y?
D. phuwong an B va C sai.
Céau 30: Tinh (5+3i)(3-5i).
A.15-15i B. 30 -16i
C. 25+30i D. 26-9i
Cau 31: Tim |z| biét rang z c6 phan thuc bang hai
lan phéan ao va diém biéu dién ctia z nam trén
duong thang d:2x+y-10=0.
A. =25 B. 2| =5
C. =243 D. |4 =3
Cau 32: Tim s§ phtic z biét rang diém biéu dién
ctia z nam trén duong tron cé tam O, ban kinh
béng 5 va nam trén duong thang d:x—2y+5=0.
A. z=3-4i B. z=3+4i
C.z=4+3i D.z=4-3i
Cau 33: Cho phuong trinh z° -13z+45=0. Néu
z, la nghiém cua phuong trinh thi z +g béng:
A. -13 B.13 C.45 D. —45
Cau 34: Cho z.z= 4, tap hop cac diém biéu dién
z ¢6 do thi la (d61 véi cac do thi cd gach chéo thi

tap hop diém la ca phan gach chéo va ca bién):

YA
yA
G

-ﬁ%?}ﬁ N 2
7

2

N

2
\x
-2

-2

7
<

C.
Cau35:S§ (i +4° +i* +i°) bing sd ndo dudi day?

A.0 B.i C. —i D. 2i
Cau 36: Mot hop dung chocolate bz‘?mg kim loai c6
hinh dang ldc mo ndp nhu hinh vé dwéi day. Mot
phan tw thé tich phia trén cua hop duoc dai mot
16p bo sira ngot, phan con lai phia dwdi 1a chira
day chocolate nguyén chat. Véi kich thuéc nhu
hinh v&, goi x = x, 1a gia tri lam cho hop kim loai
c6 thé tich 16n nhat, khi d6 thé tich chocolate

nguyén chat cé gia trila V. Tim V.

o

e

6—x
64
A. 48 dvtt B.16 dvtt C.64 dvtt D. 3 dvtt
Cau 37: Mot hinh tru c6 ban kinh day la 2 cm va

6 thiét dién qua truc la mot hinh vuéng. Tinh thé
tich ctia khi tru.

A. 4n cm® B. 8n cm®

C. 16n cm® D. 32 cm®
Cau 38: Hinh chép S.ABC c6 day ABC la tam giac
vuong can tai A va AB=AC=SB=SC=a,
(SBC) L (ABC). Tinh ban kinh cta khéi cau ngoai
ti€p hinh chop?

A.&
3

B

C.a D. &
2

a
2
Cau 39: Cho hinh nén dinh S c6 dwong tron day
ban kinh 1 cm, noi ti€p trong hinh vudéng ABCD.
Biét SA=+/11 cm. Tinh thé tich ctia khi chép
S.ABCD.

A. 5cm’ C. 32 D. 3 cem?

Cau 40: Tt cung mot tdm kim loai déo hinh quat
nhw hinh vé ¢ kich thwécban kinh R=5 va chu

B. 4 cm®
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Cong Pha Toan

The Best or Nothing

vi ctia hinh quat 1a P =8rn+10, nguoi ta go tam
kim loai thanh nhitng chiéc phéu theo hai cach:

1. Go tam kim loai ban dau thanh mat xung
quanh ctia mdt cai phéu.

2. Chia d6i tdim kim loai thanh hai phan béng
nhau r6i go thanh mdt xung quanh cua hai cai
phéu.

Goi V, 1a thé'tich cta cai phéu thinhat, V, 1a tdng

thé tich ctia hai cai phéu & cach 2. Tinh

<) -
=) —

aVi_2t 1_@
'Vz_( 'V2 7
V2 L/
v, e v, 2

Cau 41: Mot hinh tru ¢é ban kinh day la 53 cm,
khoang cach gitra hai ddy la 56 cm. Mot thiét dién
song song voi truc la mot hinh vudng. Tinh
khoang cach tir truc dén mat phang cat?

A.36cm B.45cm C.54 cm D.55cm
Cau 42: Hinh chép S.ABCD c6 day ABCD la hinh
vudng canh a va SA=2a,5A 1 (ABCD). Ké AH
vudng goc voi SB va AK vuong goc véi SD. Mat
phing (AHK) cét SC tai E. Tinh thé tich khéi cau
ngoai ti€p khdi ABCDEHK.

NI T

ma® B. == na D. =
3 3

Cau 43 Cho tam gidc ABC c6 dién tich bang

10cm® va nam trong mit phang

(P):3x+4y+8=0. Néu diém 5(1;1;3) 1a dinh

cta hinh chép S.ABC thi thé tich cua khdi chdp

nay bang:

A.10em® B.12cm® C.15cm®> D. 30 cm’
Cau 44: Cho ba diém A(1;2;-3),B(—4;2;5),
M(m+2;2n—1;1). Diém M thudc duong thang
AB khi va chi khi:

A - m=-7n=3 B.m=7;n=-3
C.m=—z;n=E D.m=z;n=—é
2 2 2 2

Cau 45: Cho diém M(1;2;3) va dudng thing

d: % = ll = % Mit phang chtia diém M va duong

théng d c6 phuong trinh la:
A. 5x+2y—-3z=0
C. 2x+3y-5z+7=0

B. 5x+2y-3z+1=0
D. 2x+3y—5z=0

Cau 46: Cho diém A(-1;2;1) va hai mat phing
(o),(B) Tan Iwot 6
(0):2x+4y—6z-5=0 va (B):x+2y—-3z=0.

phuong  trinh:

Ménh dé nao sau day la dang?
A. (B) di qua A va song song voi (oc)
B. (B) khong qua A va khong song song voi (OL)
C. (B) di qua A va khong song song voi (OL)
D. (B) khong qua A va song song véi (oc)
Cau 47: Cho mt phang (oc) :4x-3y+2z+28=0
vadiém I (O ;1 2). Phuong trinh mat cau tam I tiép

xtc v6i mat phang ((1) la:

A2+ (y-1) +(z- )=

B. x +(y+1) (z+2)

C. 2 +(y+1) +(z+2) =

D. x +( ) (z 2)
CAu 48: X4c dinh m dé€ bon diém A(1;1;4),
B(5;-1;3), C(2;2;m) va D(3;1;5) tao thanh t&
dién.

A. Vm B.mz6 C.m#4 D.m<0
Cau 49: Xac dinh m d& hai mat phang sau vudng
goéc voi  nhau: (P):3x+3y—z+l=0 va
( )(m 1)x+y (m+2)z—3=0

A. =—lB.m=2 C-M=l D.m=—§
2 2

CAu 50: Cho mit cau:
(S):x® +y* +2° —2x+4y—62z+10=0 va mat

phang (P):x—2y—2z+m=0. (S) va (P)tié’p xuc

v4i nhau khi:
A.m=7,m=-5 B.m=-7,m=5
C.m=2,m=6 D.m=-2,m=-6
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STUDY TIPS
Nhiéu quy doc gia lic thay
(m - 1)2 luén 16n hon bing
0 thi cho ring véi moi m
trinh
nghiém 1a sai. Vay nén hay

phuong luén o

d€y thatki va tranh méc sai
Tam.

STUDY TIPS

Day la dang bai tim tiém
can, ta cung nhd lai kién
thitc sach gido khoa nhu
sau:

Puong thing x = x, dwoc goi
la dwong tiém cin ditng (hay
tiém cdn dirng) ciia do thi ham
50’ y=f(x) néu it nhit mot
trong cic diéu kién sau dwoc
théa man:

lim f(x) =+,
(0=
lim 1 (x) =
lim flx)=+40

XX,

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

PAP AN
1B 2C 3D | 4A | 5D 6B 7A | 8A | 9A | 10A
11A | 12D | 13D | 14C | 15A | 16C | 17A | 18A | 19A | 20C
21A | 22C | 23A | 24A | 25A | 26C | 27C | 28A | 29D | 30B
31A | 32B | 33A | 34B | 35A | 36A | 37C | 38D | 39B | 40B
41B | 42B | 43A | 44C | 45A | 46A | 47A | 48B | 49A | 50A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an B.
Vi day la bai toan vé cuec tri nén trudc tién ta di tim dao ham ctia ham s6 sau d6
xét phuong trinh y'=0 d€ tim két luan cho bai toan.
y'=x>+2mx+2m-1.
Xét phuong trinh y'=0, ta cung nhd lai bang cac dang do thi cia ham sd bac ba
ma tdi van thuong nhic cac ban 6 trang 35 sach gido khoa co ban. Nhan thay &
tat ca cac ménh dé déu ndi la ham sd c6 cuc tri, nghia la trudc tién ta can di tim
diéu kién dé ham s6 ¢ cuec tri 1a diéu kién chung. Nhu ¢ bang trang 35 SGK giai
tich thi d€ do6 thi ham sd ¢ cuc tri thi phwong trinh y'=0 phai ¢ hai nghiém
phan biét. Khi dé: A'>0< m’ —2m+1>0<m=1.
Tt day ta thdy ménh dé C dung, ca A va D cling ding. Vay ménh dé sai 1a B.
Cau 2: Pap an C.
O bai todn nay c6 hai diéu kién d& ham s& xac dinh:
- Diéu kién tht nhét la diéu kién d€ can c6 nghia.
- biéu kién thtt hai la diéu kién d€ phan thitc ¢6 nghia. Do vy ta c6 1oi giai nhw

224120  |x>_L

sau: = 2
3—-x#0

x#3

Vay ta chon luén dap an C.
Cau 3: Pap an D.
x+1

Dé d6 thi ham s6 vy = chi c6 diing mot tiém can dung thi phai

x* +2mx+3m+4
thdéa man mot trong cac diéu kién trén. Nhan thay day la ham phéan thitc c6 bac
ttr nho hon bac mau, khi dé tiém can ding x =x,, x, la gia tri lam cho da thtic
dudi mau khong xac dinh, do d6 d€ d6 thi ham s6 c6 duy nhat mot tiém can
dténg thi phwong trinh x° +2mx+3m+4=0 cd duy nhat mot nghiém, hoic
phuong trinh X2 +2mx+3m+4=0 c6 mot nghiém x =-1 va mot nghiém khac
-1.
THI1: Phuong trinh ¢6 duy nhat mét nghiém khi va chi khi phuong trinh c6
nghiém kép

o A=0onmt 3m-d=0e|" "

m=-1

TH2: Phuong trinh c6 mot nghiém bang ~1 mot nghiém khac ~1, khi d6 ta c:
(1) +2.(-1)am+3m+4=0

om+5=0<m=-5
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STUDY TIPS

Nhén thdy day la d6 thi
ham s6 bac ba c¢6 hai diém
cuee tri, lai tiép tuc la mot bai
toan nita can quy doc gia
nhé lai cdc dang d6 thi cta
ham s6 bac ba trang 35 sach
gido khoa giai tich 12 co
ban. Do d6 thi ham s& cé
thé tinh tién theo chiéu
song song voi truc Oy
nhung chiéu theo truc Ox
thi c6 dinh nén d6 thi trén
¢6 hai diém cuc tri trong d6
diém cuc dai va diém cuc
tiéu ndm vé hai phia cta
truc Oy.

STUDY TIPS
Nhiéu ban khéng d¢€ y day
la can bac balabacleé, do do
bi r8i & phan nay, va c6 thé
chon dap an C 1a sai.

Cong Pha Toan The Best or Nothing

Thur lai thdy véi m = -5 phuong trinh ¢ hai nghiém phan biét (thoa man).
Vay déap an cta chung ta la D.
Phén tich sai lim: O d4y nhiéu quy doc gia quén TH2 va thiéu TH m =-5 va

chon ddp an. Hay xem xét mot cach tong quan dé c6 day du cac TH cua bai toan.
Cau 4: Dap an A.
Nhin dang d6 thi va so sanh véi bang thi ta nhan thdy, dé€ thoa man diéu kién
nhu &6 thi trén ta cé:
D& phuong trinh ham s6 thoa man yéu cau dé bai thi phwong trinh y'=0 ludén
6 hai nghiém phéan biét va hai nghiém d6 trdi ddu va a > 0.
Xét phuong trinh y'=3ax* +2bx+c=0

a>0 a>0
A'>0 < {b*-3ac>0 (doa, c trai ddu nén b* —3ac ludn 1én hon 0)

x,x, <0 c

—<0
3a
a>0
=
c<0
Cau 5: Dap an D.

Vi bai toan nay, doc cac ménh dé ta thdy noi vé giao diém, vi thé, ta xét phuong
trinh hoanh d¢ giao diém cta hai d6 thi ham sé:

= —x+l=—x+m*> ©x+m*-1=0 <:>x:43/(1—m2)

Vay phuong trinh hoanh d¢ giao diém ludn c6 duy nhat mot nghiém, vay dap an
dung cuatalaD.
Cau 6: Dap an B.
=1

Xét phuong trinh: y'=0< 6x* -18x+12=0 < {x )

X =
Nhin xét: Nhu & dé so 5, t6i da goi y mot meo cho quy doc gia do la: dang cta
d6 thi. Do day la d6 thi ham bacba vacoé a=2 >0, 6 hai diém cuc tri nén d6 thi
ham s6 sé c6 dang chit N (day chi la meo quy wdc) nhu hinh bén.
Nhin vao cach chiing ta vé nhanh nhap nhu vay, ta nhan thay r6 ham s6 nghich
bién trén (1;2) do do6 thi di xuéng.
Néu quy doc ra vach hinh chit N ra nhép sé rat nhanh hon so véi viéc quy déc
gia vé bang bién thién, xét dau f '(x). Do vay, viéc nhd bang dang do6 thi trong
sach gido khoa ma t6i hay nhac dén sé c6 ich rat nhiéu cho quy doc gia trong qué
trinh lam bai.
Cau 7: Pap an A.
DPay la ham s6 bac ba, vay dé tim dugc s6 diém cuec tri cua d6 thi ham so ta chi
can xét sd nghiém ctia phuwong trinh y'=0.
Tacé y'=0< —3x* +12x —13 =0 (vd nghiém).
Vay d6 thi ham s6 khong c6 diém cuec tri.
Cau 8: Dap an A.
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STUDY TIPS

Bai toan tim Min- Max cua
ham sd trén mot doan 1a bai
toan 1dy diém, ta chi can xét
cac diém cé hoanh d6 lam
cho y'=0 cung cac diém
dau mut, so sanh céc gia tri
cta y va tim Min Max, diéu
quan trong la quy doc gia
can can than trong tinh
toan.

STUDY TIPS
Ta cling nhéc lai kién thitc
veé tiém can ngang nhu sau:
Cho ham s6° y= f(x) xdc
dinh trén mgt khodng v6 han.
Duong thing y =y, la tiém

cdn ngang cia d6 thi ham so’

y:f(x) néu mot trong cic
diéu kién sau théa man:
lim f(x)=y,

X—>+0

lim f(x) =Y,

X—-0

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Trudce tién ta di tim toa dd hai diém cuc tri ctia d6 thi ham s6, tir d6 tim dwoc
trung diém ctia doan thang ndi hai diém cuec tri, thé vao phuong trinh duong
thang da cho, tir d6 ta dé& dang tim ra m.
, e (4 6 205 = 32 x=1= A(1;4)
Xét phuong trinh: (x —6x" + 9x) =3x" -12x+9=0 < .
x=3= B(3;0)
Khi d6 toa do trung diém ctia AB 1a M (2;2).
Thé vao phuong trinh duong thang y = x +m ta dwoc m=0.
Cau 9: Dap an A.
) . . ) x=1
Xét phuong trinh y'=<3x" -3=0< 1
x=-

Khi d¢ ta co:
maxy = max{y(—l);y(l);y(4)} = y(4) =51

(1]

miny = min{y(-1);y(1):y(4); =y(1)= -3

Céach tim cac gia tri lon nhat nho nhat trong cac gia tri ¢ trong tap hop nhanh
nhat, ta chi can nhap biéu thitc X° - X -1 vao may tinh va an|CALC| r6i [an luot
thay cdc gia tri cia X roi tu so sanh la duoc.

Cau 10: Pap an A.

Luac nay ta xét:

1
14—
. x+1 . x 1
hm—:hm =—
X—>+00 /mx2+1 X—>+00 1 [m
m+—
2
X
1
. x+1 1+; 1
lim = =
X—>—00 mxz +1 X—>—0 1 [m
+xT

Luc nay ta thay dé d6 thi ham s6 khong c6 tiém can ngang thi khong ton tai thi
1 1 (o (s

——;———= khong xac dinh < m <0.Dap an A.

Jm" m

Cau 11: Pap an A.

Ta ddt cac kich thudc ctia hang rao nhu hinh vé:

o= =

X X x

| l

Tt dé bai ban dau ta c6 dwoc méi quan hé sau:

Do bac nong dan tra 15 000 000 dong dé chi tra cho nguyén vat liéu va da biét
gia thanh tirng mét nén ta c6 moi quan hé:

150-15x 500 5x
12 4
Dién tich ctia khu vuon sau khi da rao duoc tinh bang cong thuc:

3x.50000 +21.60000 = 15000000 < 15x +12y =1500 < y
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f(x)=2xy= 2x.&4—5x = %(—sz + 500x)

bén day ta co6 hai cach dé€ tim gia tri 16n nhat cta dién tich:

Cdch 1: Xét ham sO trén mot khoang, vé bang bién thién va két luan GTLN:
Xét ham sd& f(x) =%(—5x2 + 500x) trén (0;100)

f'(x):%(—10x+500) , f'(x)=0<x=50

Ta c6 BBT:

e |0 50 100
Flx) + 0 -

f(x) / 6250\

Cich 2: NhAm nhanh nhw sau:

Ta biét réng A-¢ (x) <A v6imoi x, nén ta c6 thé nhAm nhanh dwoc:

£(x) =§(—x2 +100x) =§(—x2 +2.50.x - 2500+ 2500) =§.[2500—(x—5)1 <6250

Hodc bdm may tinh phan giai phirong trinh bac hai va &n bang nhiéu [an may sé

hién nhw sau:

u-Value Maximum= | Y-Value Maximum=
50 6250

Vay ta da co két qua cta bai toan.
Céau 12: Dap an D.
Day la bai toan giai bat phuong trinh ma

STUDYTIPS 324" 182" +1<0 <> 32.2% —18.27 +1<0
Ta nhac lai cac kién thic 1 1
sau: = (227-1)(162 -1) <0 —<2" <=
- Vi O0<a<1 thi a*<a’ 16 2
< x>y va nguwgc li. 20 <2" <2 o 4<x<-1

- V6i a>1 thi a'<a’  Dép an D. Tuy nhién dén day nhiéu ban nham rang sd mii < 0 thi d6i chiéu bat

© x<y vanguoclgi dang thirc va chon y A la sai. Hay nhé rang ta can xét co sd dé tim dau ctia bat

phuong trinh.

Céau 13: Dap an D.

Twong ty nhu bai toan giai bat phwong trinh phia trén, ta cé:

PT 2% —22" +6=m

Dit 2°° =a. Nhan thdy dé phuong trinh 6 ding ba nghiém thi phurong trinh ¢6
mot nghiém x> =0, mot nghiém x* > 0.

Tc la mot nghiém a=1 va mot nghiém a>2.Khidé 1-4.1+6=m< m=3
Véi m =3 thi phrong trinh

<2427 43=0 & (2“2 - 1)(2*‘2 - 3) =0 (théa man)

Cau 14: Pap an C.
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STUDY TIPS

Mot cach khéc néu quy doc
gia nhdm cham, quy doc gia
c6 thé bdm may tinh d¢ thi
dap an. Trong lic lam bai
thi, hay tim phuong an lam
bai t6i wu thoi gian nhat
nhé!

Ta c6 d&€ ham s6 xac dinh thi can hai diéu kién: Diéu kién th nhat 1a diéu kién

dé logarit xac dinh, diéu kién thit hai 1a diéu kién d€ can thitc xac dinh.

3-2x—x*
—1>0
X+
xe(—ow;-3)u(-1;1
. , 3_2x_x2 E( 0 ) ( )
Nén ta c6: {log, —————20 < 3_2y— 2
x+1 log, —————=>log, 1
x#-1 x+1

xe(-;-3)u(-1;1)
<913-2x—x 1 < XE(—OO'_S_\/E}U(—T_BJM/E:I

x+1

oSxe [—oo,- ﬂ:l U {—1;M:| .
2 2

Cau 15: Pap an A.

Ta c6 thé nhan thay ludn dap an A dung, dap an B va C sai do thi€u diéu kién

cuia co sO a nén so sanh nhu vay la sai. Con dap an D, 10 rang A dtng khong sai,

do vay dap an D cling sai.

Cau 16: Dap an C.

Ta cé a=log,, 3. Do vay ta can bién ddi log,, 15 vé log,. 3

Ta co:

_log, ;15 1 1 1 1 1

“log,,25 log,25 log,5 2(log,5) 2(log,15-log,.3) 2(1-a)’
Cau 17: Pap an A.

log,. 15

25

, . .1 v er+e™ ),
Ta xét dao ham ctia ham so6: f (x) = .

et —e™"

Ta ap dung cong thitc dao ham nhu sau: (EJ
v

Khi d6 [ewe*],_(ex—e")(ex—e")—(e**ex)(e"%")

X -x - 2
e —e (ex_e—x)

_2e"e " -2 —4

- (ex_e—x)z (ex_e_x)z'

Cau 18: Pap an A.

P& s0 sénh duoc hai s8, ta can xét xem co's8 a=~/3 -1 ndm trong khoang nao?
Ta c6 the thay /3 <4 </3-1<1 =0<~/3-1<1

Hodc ta c6 thé bAm may tinh d€ xét khoang ctia a. Nhuw ¢ cau 12 ctia dé nay, t6i
da nhic lai kién thic, ta ¢6 thé suy ra duoc m>n.

Cau 19: Pap an A.

Day la bai toan go diém, do d¢, ta can can than trong tirng chi tiét.

f(x) = (sin2x.1n2 (1 —x))' = (sin2x)'.lr12 (1— x) + sir12x.(lr12 (1—x))'

(ap dung cong thirc (u.v)' =u'v+o'u)
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=2.cos2x.In” (1 - x) + sin2x.2.(ln(1 - x))'.ln(l - x)

.ln(l—x) (cht y réng (uZ)' =2u'u)

=2cos2x.In? (1 - x) +25sin2x. n

2.sin 2x.1n(1 - x)

1-x

=2cos2x.In’ (1 - x) -

Phén tich sai ldm:

STUDY TIPS

Nhén thdy rd rang chi la
mot bai toan dao ham
nhung c6 thé bi sai ¢ rat
nhiéu chd, hiy can than
trong tinh toan va dat duoc
két qua dung dén!

Mot cach khac la quy doc
gia ¢ thé dung may tinh,
st dung nut SHIFT —

im d€ thu tung dap an
dx

béng céch thay gia tri bat ki.

1. Nhiéu quy doc gia nham cong thic dao ham cua mét tich nhw sau:
(u.v)' =u'v-uv'

2. Nhiéu quy doc gia quén cong thitc dao ham ham hop (uz)' =2.u'u dan dén
sai Jam nhu sau:

In’ (1 - x) = 2.ln(1 - x) chon luén phwong an D.

Sai [im tiép theo d6 1a c6 nhé cong thirc (uz)' =2.u'.u nhung lai sai trong bién doi
nhu sau: (ln2 (l—x))' = 2.(ln(1—x))'.ln(1—x)

! .ln(l—x) (sai do (1n(1—x))'=_—1)

=2.
1-x 1-x

Vi thé chon luén phuong an B.

Cau 20: Pap an C.

Bai toan tim tinh dung sai, do d6 ta can di xét titng ménh dé mot.

Voi ménh dé A: Ta thdy trong khoang (0;1) ca hai ham s6 déu nghich bién. Do
vay phuwong an A dang.

Vi ménh dé B: Day la mot vi du trong sach gido khoa Giai tich 12 co ban trang
76/77. Ttr d6 da c6 nhan xét. Vi thé day la ménh dé dung.

V6i ménh dé C: V6i a > 0;a =1 thitap gid tri chtahamsd y=log, x 1a Y = (—oo;+oo).
Conham s§ y =a* thi tap gid trila Y =(0;+). Vay day la ménh dé sai. Ta khong
can phai xét dén ménh dé D nita.

Cau 21: Pap an A.

Day la bai toan don gian st dung ting dung ctia s mai.

Do ban dau c6 mot té bao duy nhat nén:

Sau phut sao chép thit nhat sd té€ bao la: N, =2

Sau phtt sao chép thit hai s6 té bao la: N, =27

Sau phut sao chép thit ¢ s6 t€ bao la: N, =2" =100000

=t =log, 100 000 ~ 16,61 phut

Cau 22: Dap an C.

Thuc chat day 1a bai todn tim nguyén ham. Ta c6 thé dé dang nhan thay: bai toan

cho dao ham cua mét ham s, cong viéc cua chung ta la di tim nguyén ham:
1
[90(t+6)# +12tdt = 45[N#* +12td(# +12¢) =45[(#* +12¢ ) d(#* +12¢t)

=45.L1(t2+12t)”; —30. (t2+12t)3

1+=
2
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STUDY TIPS

Day la dang tinh tich phan
titng phén, tuy nhién c6 hai
cach lam dang bai nay, cach
lam th nhét la tinh binh
thuong. Cach lam thit hai la
bam may tinh va thw (cach
lam nay kha don gian, quy
ddc gia chi can &n may tinh
va xem no la két qua nao va
chon, rdt don gian nén tdi
xin phép khong gioi thiéu &
day ntra.)

Vi dén ndm thit tu cong ty da chiu 1610640 tién ng nan nén s6 tién ma cong ty

vay ndm dau s& duoc tinh: 1610640 —-30,/(4* + 12.4)3 =1595280.

Vay cong thirc tinh tién ng nan sé nhu sau: D(t) =30 (t2 + 121&)3 +1595280 .

Phén tich sai lam:

Sai lim thir nhdt: Nhiéu quy doc gia khi tim ra dugc nguyén ham ctia ham s6 sé
cong thém C ludn nhu bai todn tim nguyén ham binh thuwong. Tuy nhién ¢ day
khoan no vay ban dau da c8 dinh, tizc 1a hang s8 C da c§ dinh. Ta can tim hang
s0 d€ cong thém vao cong thirc.

Sai lim thir hai: Nhidu quy doc gia cong ludn véi 1610640 ludn nén dan dén sai
Tam.

m

Sai Iim thir ba: Khong nhé cong thic a” = o .
Cau 23: Dap an A.

Dau tién khi doc dé bai chic han quy doc gia sé thdy dé bai c6 vé thiéu dit kién
vé cac phuong trinh gidi han. Tuy nhién néu nhin ki ta sé nhan ra phuwong trinh:
y=+36-x" < y>+x° =36
Pay la d6 thi phuong trinh duong tron c6 tam O(O;O) ban kinh bang 6. Khi d6
khi quay hinh phéng giéi han béi d6 thi ham s6 véi truc hoanh quanh truc hoanh

chinh 1a khéi cau tam O(0;0) béan kinh béng 6.

Thé tich khéi cau s& duoc tinh bing cong thitc: V = %nRa _ %.n.63 _ 288x (dvth).

Cau 24: Dap an A.
Sau day t6i xin giodi thiéu cach lam theo toan hoc thong thwong: I = Im—2xd

1

lnxzu:duzldx
bit *
@:

e -1 1 1_ 2

= —l.lne - —1.ln1 +Iidx :_—1+ 1 —t=-=1-—
e 1 X7 e x
Cau 25: Dap an A.
Twong tu nhu Cau 22, ching ta sé di tim nguyén ham va thay vao cong thtzc:

Nhan thay: [(12x° +3x* +2x+12)dx

1 e e 1 e

_ 12 o3t vl v iioxiC coxf x4 1204 C.
5+1 2+1
Nhan thay day 1a “T8c d6 thay ddi doanh thu (bang d6 la trén mot may tinh) cho
viéc ban x may tinh” nén C =0.
Do vay ta chi can thay x =12 vao sé duoc:
£(12)=2.12° +12° +12° +12.12 = 5973984
Cau 26: Dap an C.
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Day la bai toan tim khang dinh sai, do vay, ta cin xem xét ting phuong an mot.

T

n 2
T * V6i phwong dn A: Isingdx = Isin xdx . Cach lam cua ching ta néu khong tu
[Esin($ox-) v ing sy un i
o= 1Nz UA~ | g Sl nhén ra duoc bang suy luan thi quy doc gia c6 thé'1ay hiéu cta hai tich phan nay

bang may tinh nhu hinh vé.
Vay day la ménh dé sai.
— * Voi phwong dn B: Tiép tuc day la mot tich phan khé phtie tap, nén viéc suy luan
1 E1+5 0% e s€ ton thoi gian hon nhiéu so v6i bAm mdy tinh, vi vy ta bAm may tinh nhu hinh
)

1.31353864 V&

Vay day ciing la ménh dé sai.

— * V6i phwrong dn C: Ti€p tuc ta lai bAm may tinh, xét hiéu hai tich phan, néu nhw
I; sint1-%) dK‘Iéb khong bang 0 cé nghia hai tich phan khong bang nhau.

Vay day la ménh dé dung, ta chon C va khéng can xét dén phuwong an D niva.
Nhan xét, véi bai toan nay, bam may tinh la phuong phap nhanh nhat dé tiét
kiém thoi gian.

Cau 27: Dap an C.

Do vay ta c6 thé bién ddi nhu sau:

STUDY TIPS
(cosx':—sinx. _ K _ 1 T 1 _ 1 4 3
) I——_([cos3 xd(cosx)——zcos‘lxo ——Z(cos4n—cos40)——z((—1) —14)—0

Chii 1j: Hay d€ y dic diém cua tich phan d@é bai, va dua vé dang don gian. O bai
toan nay quy ddc gia c6 thé bAm mdy tinh cho nhanh, t6i khong gidi thiéu ¢ day
vino kha don gian.
Cau 28: Dap an A.
Ta cting nhac lai kién thitc sach gido khoa nhu sau:
Diém biéu dién s8 phttc z = x + yi (x, ye ]R) trong mat phang vuong goc la diém
M (x; y) .
Vay M(5;-3) chinh la diém biéu dién s§ phiic z=5-3i. Day la bai todn don
gian, vi thé quy doc gia can cin than trong tinh toan, trong nham.
Cau 29: Pap an D.
Dé bai cho rang tim ménh dé sai, do vy ta sé di xem xét tling phuong an mot:
* Voi phwong dn A: Nhan thay:
ztz'= (x+iy)ir(x'+ iy') = (xirx')+(yiy')i. Vay day la phuong an dung.
* V6i phwong dn B: Ta co:
zz'=(x+iy).(x'+iy ) =xx'+ixy'+ix'y +i7yy = xx'-yy'+i(xy'+x'y).
Vay day la phuong an dung.

2

* Véi phwong dn C: Nhan thdy & phan phuong an mau s cé dang x+ y'? nén ta

sé nhan thém sd phtic lién hop vao détaora x+y'*:

2 x+iy  (x+iy)(x-iy) _xx—ixyiyx'-ityy' vy Xy -y

' x+iy' (x+iy')(x'-iy') x?+y"” Cx?ey?x?ay?

Day la phwong an dang.
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CMPLY @B Math

Math A

(5+3i 1x(3-51 )
30-16i

STUDY TIPS

Quy doc gia cd thé chuyén
may tinh sang dang tinh
toan béng s phttc dé& bam
cling duoc. Tuy nhién bai
toan nay nham kha la
nhanh ma quy doc gia
khéng can ton nhiéu thoi
gian bAm mdy tinh.

Vay theo phuwong phdp loai trir ta chi con phwong an D. R6 rang B va C dung
nhung & phuwong an D lai ndi B va C sai, do d6 r6 rang D la phwong 4n khong
dung, do vay ta chon D.

Cau 30: Pap an B.

Bai toan kh& don gian, ta chi can b4m may tinh 1a dugc. O day budc dau tién ta
can chuyén mdy tinh sang ché do tinh todn véi s6 phitc: 2: CMPLX bang cach
chon:

— 2:CMPLX may hién nhu sau la quy doc gia c6 thé tinh toan dwgc véi
sO phtic trén mdy tinh.

Tiép theo nhap biéu thikc can tinh vao, chu y, nat i nam & nut trén may
va nhép vao may tinh sé dugc két qua.

Ta sé nhanh chong chon duoc dap an B.

Céu 31: Dap an A.

SO phtic z ¢6 dang z=x+iy,(x,yeR),theo dé bai ta cé =y = X
2x+y =10 y=2

=z =2 +1F =V4 +27 =245,

Cau 32: Pap an B.

Twong ty nhw bai toan Cau 31 ta c6 thé dit z =x +1y (x, ye R) .
Khi d6 tte dé bai ta co:

y=0
2.2 _ S - 2 _ — { =-5
Xryt=25 (2y-5) +y* =25 o |5y =20y =0 _ | |x .
x-2y+5=0 x=2y-5 x=2y-5 y=4
x=3
Vay ta chon dap an B.

Cau 33: Dap an A.
Day la bai toan tim nghiém phuwong trinh don gian, quy doc gia chi cin bam may
tinh la c6 dap an: phuwong trinh c6 hai nghiém:

13 V11, . 13 11,

zZ, =—+Li va z, =————I
2 2 2 2

Hai nghiém nay la s6 phtic lién hop cta nhau, do d6 z, +g =z +z,=13.

Céu 34: Dap an B.

Bai toan yéu cau tim tap hop cic diém biéu dién ctia z, tic 1a lién quan dén x, v.
Do vay ta s& dit z=x+iy(x,yeR), khi d6 z=x-iy. Vay
zz= (x+iy)(x—iy)=x* +y°.

Theo dé bai thi x* +y*> =4. Nhan thdy day la phuong trinh dwong tron tam
O(O;O) ban kinh R=2. Vay ta sé chon phurong an B.

O day c6 nhiéu ban sé nham sang bat phuong trinh nén dinh ninh chon C 12 sai.
Cau 35: Pap an A.

Vi bai toan nay quy dodc gia chi viéc 4p dung cong thire i* = -1.

Khido6 i* +i° +i* +i° =-1-1i+1+i=0.

Vay dép an cta tala A.
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STUDY TIPS
Céch tim tdm mét ciu ngoai
tiép hinh chép nhu sau:
1. Xdc dinh truc dwong tron
ngogi tigp da gidc ddy bing
cdch xdc dinh tam da gidc ddy,
v tir tim ké dwong thing
vubng goc véi mit phing day.
2. Ve mét dwong trung triec
ctia mot canh bén.
3. Giao diém ctia dwong trung
triee canh bén cia hinh chdp
v0i truc dieong tron sé la tdm
cia mdt ciu ngoai tiép hinh
chap.

Cau 36: Dap an A.
bay la mot dang bai toan tng dung thuc thé két hgp ca phan tinh thé tich khoi
da dién 6 hinh hoc va phan tim gia tri lon nhat, gia tri nhé nhat ciia mot da thice
da hoc 6 chwong I phan giai tich.
Trudc tién ta nhan thdy

V=(6-x)(12-2x)x=2x(x-6) =2x(x* ~12x+36)=2x" ~ 242" +72x
Xétham s6 f(x)=2x" —24x +72x trén (0;6)

x=6

(x)=6x>-48x+72; f'(x)=0<
7(x) f(x)=0e| 77
Khi dé ta c6 max f(x)=f(2) =64 dvtt. Dén day nhiéu quy doc gia voi va khoanh

C ma khong dan do gi. Tuy nhién, néu voi va nhu vy la ban da sai, boi dé bai

yéu cau tim thé tich chocolate nguyén chat ma khong phai 1a thé tich hop do d6
ta can. Tte 12 1 —i - % thé tich hop. Ttk 14 %64 _ 48 (dvtt).

Cau 37: Dap an C.

Ta ¢6 thé nhan thdy duong kinh cta hinh tron day = chiéu cao cua hinh tru =
canh cta hinh vu6ng thiét dién.

r=2cm

Do d6 ta c6 thé suy ra: .
h=22=4cm

Khi ddé V =Bh=4m2" =16m cm’.

Cau 38: Pap an D.

Véi bai todn nay, ta sé lam theo cac buwdc nhu sau:

Buéc 1: Tim duong cao hinh chop dé€ biét phuwong cua truc duong tron. Do dé
cho (SBC) L(ABC). Do d6 ké SD 1L BC=SD L (ABC).

Khi d6 SD chinh la duwong cao ctia hinh chép.

Buoc 2: Tim truc duong tron ctia hinh chép. Nhan thay do tam giac ABC vudng
can tai A do d6 D la tam duong tron ngoai ti€p tam giac ABC. Khi d6 duong
thang qua D vudng gdc véi mit phang (AB C ) chinh la truc duong tron ctia mat
phang déy. Suy ra SD chinh la truc duong tron ctia mat phang ddy.

R6i dén Budc 3: ...

Tuy nhién dén day ta néu lam theo cac budc nhu trén t6i da dé cap, cd thé quy
ddc gia sé ciing lam ra. Tuy nhién sé ton thoi gian hon néu quy doc gia dé€ y mot
chtit va c6 thé nhan ra rang: Hai tam gidc SBC va ABC la hai tam giac vuong
cantai Sva A. Khi dé tacé thé nhanra DS=DB=DC = DA =%=§.

Vay ta da fim duoc tAm va ban kinh R = #

Cau 39: Dap an B.

Nhan thdy duong tron ddy néi tiép hinh vudng ABCD, thi duong kinh day bang
canh cta hinh vuoéng ABCD.

Khidé a=21=2cm .
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Ki hiéu nhu hinh vé, khi d6 0A =% = 2 -2
N

SO =+SA? -0A% =411-2=3

=V = %.SO.SABCD = %.3.2.2 =4 cm®.

Cau 40: Pap an B.
Do chu vi ctia hinh quat tron la: |P = d¢ dai cung +2R‘

Do dé do dai cung tronla [ =8x.
Theo cich thiz nhdt: 81 chinh 1a chu vi dwong tron ddy cua cai phéu. Ttc la

2nr=8n=>r=4

Khido h=+R>—1* =5 -4 =3 =V, =%.3.n.42

Theo cdch thit hai: Thi tdng chu vi ctia hai duong tron ddy ctia hai cai phéu la

8n < chu vi cia mot duong tron day la 4n = 4n=2nr =>r=2

Khi do: i =R? —#* =4/5> —22 =21 =V, =2.%.\/i.22.n

42 221

821 7
3
Cau 41: Pap an B.

D& tim duoc khoang cach, ta chi can vé mét cat cia mt mat phang day.

A~

Vl
ay: —L=
VZ

Nhin thdy: D€ mat phang thiét dién 1a hinh vuéng thi hinh vudng dé c6 d6 dai
canh la 56 (béng do dai chiéu cao ctia hinh tru). Khi d6 ta ¢c6 mat phéng dwoc vé

nhu hinh dwéi. Mudn tim duoc khoang cac tir truc dén mat phang cat ta dwa vao

2
dinh 1y Pytago: d = |53 —(%} =45.

Cau 42: Pap an B.
Day 1a bai toan quen thudc trong giai hinh khong gian 12, néu da luyén tap nhiéu
thi khi vé xong hinh bai nay ¢6 thé nhan ra luén AC la duong kinh cia mat cau
ngoai ti€p khdi ABCDEHK. Tuy nhién t6i sé trinh bay dudi day dé quy doc gia
6 thé hiéu r6 hon.
Ngoai phuong phap tim tam mat cau ngoai ti€p ma toi da gidi thiéu cho quy doc

gia 0 Cau 38, thi toi xin gidi thiéu thém mot phweong phap nita nhw sau:

Dé xdc dinh khoi ciu ngogi tiép mot da gidc, ta tim dwong thing ma cdc dinh cia da dién

nhin dwong thing d6 dwdi mét géc vudng.

O day ta da xac dinh duong d6 1a AC, nén t6i xin chi cdch chiing minh nhw sau:
Ta c6 thé nhan thdy duoc B,D nhin AC dudi mot goc 90°.

2 2
Dé tinh duoc SD=a\/g; KD:AL: a__“

D afs €
Do dé bai cho d¢ dai cac canh kha ro rang nén ta sé dung dinh ly Pytago d€ ching
minh AKC = 90°
1 1 1

2a
+ = = AK="—= (1
SA* AD* AK? J5 @)

=\JSA%+ AC? = a6

Ta co:
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STUDY TIPS
Sau day toi xin dwa ra cach
lam tong quat cua bai todn
tim phuong trinh mat
phing di qua mét diém va
chtta mot duong théng:
Buwéce 1: Tim mot diém A thudc
dwong thing di cho. Tim
AM .
Buéc 2: n= [m,ﬂ
Buroc 3: Viét phirong trinh mp
qua diém M c6 vipt n.

Ta ¢6 SC? =SD*+CD? = tam gidc SCD vudng tai D. Khi d6 tam gidc 2KDC
vudng tai D = KC =+/CD? + KD =#.
5

Tacé AK? +KC? = AC*. Vay AKC =90°.

Chtng minh twong tu thi AHC =90°.

bén day ta c6 thé két luan duoc AC chinh la dwong kinh mét cau ngoai tiép khoi
.

2

V2,

—Tna

1
22 3

ABCDEHK.Ma AC = av2 = OA =

V=2n0a"=2 s
3 3

Cau 43: Pap an A.

Thuc chat day 1a bai todn tinh khoang cach tir mot diém dén mot mat phang:

3.1+4.1+8

d(s;(P)) = prdtrs 3.

V3% +4°

Khi d6 khoang cach nay chinh la d6 dai duong cao ctia khoi chop.

14 =%.3.1O =10 cm®.

Cau 44: Dap an C.
D€ biét xac dinh dugc m, n thi ta can tim phuong trinh duong thing AB va sau
dé thay toa d6 diém M vao tim m, n. Ta c6 AB ¢ vtcp u=AB= (—5; 0,'8) .

Puong thang AB qua A(l; 2; —3) va 6 vtep u=AB = (-5; 0,'8) .

x=1-5¢
= AB:jy=2
z=-3+8t
7
m=——
1-5t=m+2 2
Khi d¢ thay toa d0 M vao thi ta dwoc hé: {2n-1=2 & n:%
-3+8t=1 1
f=—
2

Cau 45: Dap an A.

Dé bai yéu cau viét phuong trinh mat phang chita mot diém va mot duong thang.
Khi d6 ta sé& tim hai diém bat ki nam trén duong thang d. Khi d6 bai toan tro vé
viét phuong trinh mat phang di qua ba diém. Lay A(l; —1;1) thudc duong thang
d. Khi d6 AM =(0;3;2)

Ta ¢6 vtpt n= P,A—]\Z] =(-5; —2;3) (Phan nay quy doc gia c6 thé 4p dung cach
bam may tinh ma toi da giodi thiéu o cac dé trude).

Mit phang (P) : qua M(l; 2;3) ¢6 vecto phép tuyén n = (—5; —2;3)

= (P):-5(x—1)-2(y-2)+3(z-3)=0 < (P):5x+2y—3z=0.

Cau 46: Dap an A.

Ta di nhan xét tirng ménh dé mot.
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Xét ménh dé A ta thdy khi thay A(-1;2;1) vao (B) taduoc: ~1+22-3.1=0 thoa

man. Va nhan thay vtpt ctia hai mit phang nay tring nhau va (oc) khong trung
véi (B) ,do d6 2 mat phang nay ((x) Il (B) . Vay ménh dé nay dung. Ta khong can
xét dén cdc ménh dé con lai nira.

Cau 47: Dap an A.

Mat cau da cho biét tdm I, ta chi cAn di tim ban kinh ctia m&t cAiu. Ma dé cho mét
cau do tiép xuc voi (oc). Ttc 1a:

d(b(a)) e |4.0—3.1+2.2+28| B
£ +(-3) +2?

Khi d6 mit cau can tim c6 phuwong trinh: x* + (y - 1)2 + (z - 2)2 =29.

Cau 48: Dap an B.

Débdn diém tao thanh t¢ dién tirc 1la C khong thudc mat phéng (ABD) . Ta viét
phuong trinh mt phang (ABD) . Bai toan quay vé viét phuong trinh mt phang
di qua ba diém da cho quen thudc.

Tacd AB=(4;-2;-1); AD =(2;0;1).
Khi d¢ vtpt "= [ZE,ZB} = (—2,' —6,'4)
Mt phing (P):-2(x—1)—6(y—1)+4(z—4)=0

& (P):—2x-6y+4z-8=0

< (P):x+3y—2z+4=0

bé C(Z;Z;m) khong thudc mat phang (P) thi 2+32-2m+4#0 < m=#6.
Cau 49: Dap an A.

Ta cting nhé vé diéu kién d€ hai mat phang vuong goc ma ta da hoc & séch gido
khoa hinh hoc 12 nhu sau:

Hai mat phang (ocl) c6 vtpt nj, (OLZ) c6 vtpt nj.Di‘éu kién d¢€ hai mat phang

vudng goc la: (0‘1) 1(a, ) = njﬁ; =0

N .. B 1 _ _ 1
Vay @& (P) L(Q) thi: 3.(m—1)+3.1-1.(<(m+2))=0 < m >
Cau 50: Pap an A.
(S): cO tAm 1(1;—2,'3), ban kinh R=2.D¢& (P) va (S) tiép xtc v4i nhau thi:

y @‘1—2.(—2)—2.3+m‘: [m=7
d(I;(P))=R e 2 [ :
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DE ON LUVEN SO 6

Céu 1: Cho ham s8 y = f(x) xac dinh va lién tuc

trén R va c6 bang bién thién:

x —o0 -1 2 +o0
f'(x) 0 0
5
) o \
—0 / —0

Ménh dé nao sau day la sai?

A. Ham s6 dong bién trén (—00;2).

B. Ham s6 nghich bién trén (2; +oo).

C. Gié tri 16n nhat cua ham s trén R 1a 5 khi
x=2.

D. Ham sd dat cuc tri tai x =-1.

Cau 2: Choham s6 y =x* —4x* +5 va cac khoang;:
). (—ﬁ;o) (D). (o;\E) (I11). (ﬁ;m)

Ham s6 dong bién trén khoang nao?
A.Ivall B.IIvalll C.IIval D.Chil.
Cau 3: Cho cac dang d6 thi cia ham s6

yzaxg+bx2 +cx+d(a¢0).

y A A
Y
\ S
o) x’ O/ ! >
A. B
A
y A y
X
(@]

\4

I 0]

C. D.

Va cac diéu kién:

a>0 a>0
1.4, 2.9,
b-—3ac>0 b-—3ac<0

a<0 a<0
3.9, 4.3
b -3ac>0 b -3ac<0

Hay chon sy tvong ting dung gitra cac dang d6 thi
va diéu kién??
A.A—>4,B—>2,C—>1,D—>3
B. A—>3,B—>4,C—>2,D—>1
C.A—>1,B—>3,C—>2,D—>4
D.A->1,B>2,C—>3D—>4
Cau 4: Tim 15i sai trong bai todn khao sat ham sd

+2 .
= 1 cua mot ban hoc sinh nhu sau:
X+

Bai giai:
1. Tap xac dinh: R\ {-1}

2. Su bién thién:

-3
(x+1)2

y' khong xac dinh khi x =-1; y' ludn am véi moi

+) Chiéu bién thién y'=

x#-1.

Vay ham s6 nghich bién trén (—oo; —1) va (—1; +oo)
+) Cuyec tri:

Ham s6 da cho khong ¢6 cuec tri.

+) Tiém céan:

lim y = +o0; lim iy = —c0.

x—>-1" x—>-1"
Do d6 duong thang x = -1 1a tiém can dtng.

limy=-1

x—>to0
Vay duong thang y = -1 1a tiém can ngang.
+) Bang bién thién:

X —00 -1 +00

’

y _ —

+o0
v T

A. Bai giai trén sai ¢ giai doan tim diéu kién xac
dinh.

B. Bai giai trén dao ham sai.

C. Bai giai trén sai ¢ giai doan tim tiém can.

D. Bai giai trén sai bang bién thién.
Cau 5: Cho ham s6 y =3x* —6x” +1. K&t ludn nao

sau day la dung?
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A Yop =2 B. y, =1

C.yp=-1 D. y, =2

Cau 6: Giao diém c6 hoanh d6 la sd nguyén cua
d6 thi ham s6 y=3x+2 va d6 thi ham s6
y=x"+x+1 la:

A.(-1-1) B.(0;2) C.(1,5) D.(0;1)
CAu 7: Goi m 1a s6 diém cuec tri ctia d6 thi ham s6
y=x"-3x"+3x+1.

n la s0 diém cuwc tri cua d6 thi ham sO
y=5x"-2x +7x+3.

p la s6 diém cuc tri cua d6 thi ham s6
y=-x"-7x"+5x—4.

Két ludn nao sau day la sai?

A.m=n B.n=p C.m<p D.n<p
Cau 8: Goi A, B la hai diém cuec tri ctia d6 thi ham
s8 y=-x"+3x" +24x-10. Khang dinh nao sau
day la dung?

A. Trung diém ctia doan AB nam trén duong
thang 2x-y+14=0.

B. Puong thang AB vudng goc véi duong
thang x+6y+1=0.

C.A Bva D(—2;5) thang hang.

D. Dién tich tam giac ABC bang 12 v6i C(4;68)
2x-1
x-1
A. Duong tiém can dang x=1 va khong co

Cau 9: D6 thi ham s y = co:

tiém can ngang.

B. Puong tiém can ngang y =2 va khong co
tiém can ding.

C. Buwong tiém can dang x=1 va tiém can
ngang y = 2.

D. C6 hai duong tiém can ding x =1 va x =2.
Ciu 10: Tim m d& d6 thi ham sO

X2 —mx+m

y=— c6 duing mot tiém can va do
x°=2mx+m+6

la tiém can ngang.
A . me {—2 ;3}

C. me(—o0;—2]

B. me (—oo;—2) u(3;+oo)
D. me (—2 ;3)

Cau 11: Khi san xuat hdp mi tom, cdc nha san xudt
ludn d€ mot khoang trong o dudi ddy hop dé nude
chay xudng dudi va ngdm vao vat mi, giup mi
chin. Hinh vé dudi md ta ciu tric cia mot hop mi
tom (hinh vé chi mang tinh chdt minh hoa). Vit mi

tom cé hinh mot khéi try, hdop mi tom c6 dang
hinh nén cut duoc cit ra boi hinh nén ¢é chiéu cao
9 cm va ban kinh day 6 cm. Nha san xudt dang tim
cach d€ sao cho vt mi tom co thé tich 16n nhat
trong hop véi muc dich thu hat khach hang. Tim
thé tich 16n nhat d6?

A.V =367 B. V =54rn
C. V =48n D. V:%ln
Cau 12: Giai bat phwong trinh log, (3x+5) < 3.
A. _—5<x<é B._—5<x<1
3 3 3
C. x<z D. E<x<E
3 3 2

Cau 13: Tim tap xac dinh ctia ham s6:

y= /logl(S—x)—l.
4
A. [1—9;+00J B. {1—9;5]
4 4
D. [E;5J
4

Cau 14: Tinh dao ham ctia ham s8 y =log,,, (7x)

C. (—00;5)

1
A y=—— B. y'=
Yy <In2016 y'=xIn2016
1
C.y'= D.y=—-—
y'=7xIn2016 Yy 7+In2016

Cau 15: Goi M =3"8+* va N=3"" Bat ding
thitc nao sau day dung?

A.N<M«<1 B. M<1<N
C. M<N«<«1 D. N<1<M
Céu 16: Biéu thic P = log; 7.10g,,12 ang:
log,,7.10og,; 12
A.log,12 B. log,12 C. % D.2

Cau 17: Bat phuong trinh:
log,? (x—x2 +2)+3log1 (x—x2 +2)+2 <0 tuong

2

duong v6i ménh dé nao sau day?
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A t?-3t+2<0 VOi t=x—x"+2.

B.1<t<2 v0i t=x—-x* +2.

C.x-x*20

D. x<0 hay x>1.
Cau 18: Tong hai nghiém ctia phuong trinh
log, (x2 —6x +7) =log, 2 bang:

A.5 B.6 C4 D.7
Cau 19: Tim khéng dinh sai trong cac khang dinh
sau:

A.lInx>0<x>1

B. log,x<0<0<x<1

C.log a>log b<a>b>0

D. Ina=Inb<a=b>0

, 1 ,
Cau 20: Pao ham cia ham s6 y = Ogsxco dang:
x
1-Inx 1+Inx
A y'=——"— ==
Y P In3 x*.In3
, 1-log,x , 1l+log,x
Cy'=—3— D.y'=—73"=

Cau 21: SO tién 58 000 000 d gui tiét kiém trong 9
thang thi lanh vé duoc 61758000d. Hoi lai suat
ngan hang hang thang la bao nhiéu?

A.0,8% B.0,7% C.0,5% D.0,6%
Cau 22: Ménh dé nao sai trong cac ménh dé sau?

A.Néu F (x) la mot nguyén ham cua ham s&
f(x) trén K thi véi mdi hing s§ C, ham s&
G(x)=F(x)+C cling la mot nguyén ham cuaa
ham s& f(x) trén K.

B. Moi ham s8 f(x) lién tuc trén K déu c6
nguyén ham trén K.

C. Véi mdi ham s§ f (x) xac dinh trén K, ham
sO F (x) duoc goi languyén ham ctia ham s6 f (x)
trén Kkhi f'(x)="F(x).

D. Néu Jf(u)du = F(u)+ C vau= u(x) la
hAim s6 ¢4 dao ham lién tuc thi
jf(u(x))u'(x)dx = F(u(x)) +C.

Cau 23: Tim nguyén ham ctia ham sd:

flx) =21,

e

2% -1 2*+In2
A'I e’ dx_ex(1n2—1)+

2" -1 2" +In2-1
B'j e dx_e"(ln2—1)+c
2" -1 2*-In2+1
C | = dx_e"(ln2—1)+c
2" -1 2" ~In2
D'J. e’ dx_ex(an—l)Jr

Cau 24: Tinh thé tich ctia vat thé tron xoay duoc
tao thanh khi quay hinh phang duoc giéi han béi
y=2-x%y=1 quanh truc Ox.

A. %n B. 1—57r C. 56 D 15

15 56 15 " 56
Cau 25: Trong cac cap hinh phéang gi6i han boi cac
duong sau, cip nao c6 dién tich khong bang
nhau?
A. {y=2x—x2,y=x} va {y=2x—x2,y=2—x}
B. {yzlogx, y=0, x=10} va {y:10x,x:0,y:10}
C. {y =x,y :xz} va {y:\ﬂ—xz,y:l—x}
D. {y:sinx,y:O}vc'yi 0<x<m
va {y:cosx,y:O} voi 0<x<m
Cau 26: Dién tich hinh phing gi6i han béi d6 thi
ham s y = 2x_+21 ; tiém can ngang va hai duong
x—

thang x = 3;x =e+2 duoc tinh bang:

“Cox+1 “? 5
A. .!: 2 dx B. !x_zdx
C. ln|x—2|;Jr2 D. 5-¢

Cau 27: Mot vat chuyén dong cham dan véi van
toc v(t) =160 - 10t(m / s). Hoi rang trong 3s trude

khi dirng han vat di chuyén dugc bao nhiéu mét?

A.l6m B.130m C.170m D.45m
Cau 28: Tinh tich phan Ixz In xdx .
1
3 3 3 3
A 2e” +1 B. 2e” -1 C. 2e” D. —2e
9 9 9 9

Cau 29: Cho z=x+iy; z'=x'+1y’, (x,y,x',y'eR).
Trong cac ménh dé sau ménh dé nao sai?

A. ziz'z(xix')ﬂ'(yiry')

B. z.z':xx'—yy'+i(xy'+x'y)

CoE_MEW XYy

Z' x|2+y12 x12+y12

D. z+z' =x+x'+i(-y+y')
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Cau 30: Tinh (5+3i)(3-5i).
A.15-15i B. 30-16:
C. 25+30i D. 26-9i
Cau 31: X4c dinh tap hop cdc diém bidu dién s§
phtic z trén mit phing phtec sao cho L la s6
z—i
thuén ao.
A. Truc tung, b6 diém (0,1).

B. Truc hoanh, b6 diém (-1;0).

C. Puong thdng y =1, bo diém (0;1).

D. Buong thing x=-1, bo diém (-1;0).
Cau 32: S6 phtrc z thoa man:
(3-2i)z-4(1-i)=(2+i)z. M6 dun ctia z la:

A3 B.A5 a0 D.%

Cau 33: Goi A la diém biéu dién cua s§ phiic
z=3+2i va diém B la diém biéu dién s§ phtrc
z'=2+3i. Tim ménh dé ding trong cac ménh dé
sau?

A. Hai diém A va B d6i xtiing véi nhau qua goc
toa do O.

B. Hai di€ém A va B d6i xting v6i nhau qua truc
tung.

C. Hai diém A va B d6i xtng nhau qua truc
hoanh.

D. Hai diém A va B d6i xiing nhau qua duong
thang y = x.
Cau 34: Tim tit ca cac nghiém cua
2 —47° +147* - 362 +45=0, biét z=2+i la mot
nghiém ctia phuong trinh?

A. z, =2+i;z,=3i;z, =31

B. z,=2+i;z,=2-3i;z,=3i;z, =31

C.z,=2+i;z,=2-1;2,=3;z, =31

D. z, =2+1;z,=2~-1;z, =31
Cau 35: Cho hinh chép déu S.ABC. Nguoi ta tang
canh day 1én 2 [an. D€ thé tich git* nguyén thi tan
gdc gitta canh bén va mat phang ddy phai giam
bao nhiéu [an d€ thé tich gitt nguyén?

A.8 B.2 C.3 D.4
CAu 36: Bé Bach c6 mot tAm bia cd chiéu dai 20 cm,
chiéu rong 1 cm. Bé mudn gap mdt cai hdop nho
xinh d&€ bo kep téc vao hop dé ting qua cho me
ngay 20 thang 10. Anh Siéu da chi cho bé hai cach
gdp hop. Cach thit nhat 1a bé cudn tdm bia thanh

mot cai hop hinh tru khong c6 2 day cd thé tich
V..
Céch thtt hai la bé gap tdm bia mot hinh hop chi
nhat cé thé' tich V, ¢6 cac kich thude nhu hinh vé.

Hay tim ti s8 thé tich caa 2 hop dé biét dugc gap

theo cach nao sé co thé tich 16n hon?

(e[ a e [ o]
AV 4 g ViVl phiy
V.or vV v.71 'V

2 2 2 2

Cau 37: Cho hinh hop chi nhat c6 ba kich thuwéc

a, b, ¢ thi duong chéo d c6 do dai la:
A.d=Na’ +b" +c? B. d=+2a" +2b* - ¢*
C.d=V2a*+b*-c* D.d=+3a"+3b"-2¢°

Cau 38: Cho hinh chép tam gidc S.ABC c6 day la

tam giac déu canh 24, c6 SA vudng goc véi

(ABC ), tam gidc SBC can tai S. D€ thé tich cua

23

khoi chép S.ABC la thi gdc gitta hai mat

2
phang (SBC) va (ABC) la:

A. 60° B. 30°

C. 45° D. Bap an khac.

Cau 39: Hinh chop SABCD c6 day ABCD la hinh
vudng canh a va SA=2a, SA 1 (ABCD).Ké AH
vuong goc voi SB va AK vudng goc véi SD. Mat
phang (AHK) cét SC tai E. Tinh thé tich khéi cau
ngoai tiép khdi ABCDEHK.

na3\/§ 475113\/5

A. B.
3 3
3 3
C. 8na3\/2 D. a 6\/2

Cau 40: Mat cau tAm O ban kinh R =17dm. Mat
phang (P) cat mat cau sao cho giao tuyén di qua
ba diém A,B,C ma AB=18dm,BC =24dm,
CA =30dm. Tinh khoang cach tx O dén (P)

A.7dm B.8dm C.14dm D.16dm
Cau 41: Thiét dién qua truc ciia mot hinh nén 1a
mot tam gidc vudng can cé canh goc vudbng bang
32 . Tinh thé tich cua khéi nén.

A.12n  B.9n  C.6J2n D.3V2n
Cau 42: Cho hinh tru c6 ban kinh ddyla R =4, mat

phang qua truc va cat hinh tru theo mot thiét dién
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c6 dién tich bang 6a*. Dién tich xung quanh ctia
hinh tru va thé tich ctia khoi tru la:
A. 8na*; 3ma’ B. 6ma*;6ma’
C. 6ma*;9ma’ D. 6ma’;3na’
Cau 43: Cho M(2; —5;7) . Tim toa d0 diém doi
xting ctia M qua mat phang Oxy.
A. (-22;15;-7) B. (4;-7;-3)
C. (2,-5;-21) D. (1,0;2)
Cau 44: Viét phuong trinh mit phéng qua
M(l; —1;2), N(S; 1;4) va song song voi truc Ox.
A.3x+4y+4z-7=0 B.y+z=0
C.4x-z+1=0 D. y-z+3=0
Cau 45: Tinh thé tich t& dién OABC biét A,B,C
lan luwot 1a giao di€ém cta mat phéang
2x -3y +5z-30=0vdi truc Ox,0y,Oz.
A.78 B. 120 C.91 D. 150
Cau 46: phuwong  trinh:
X4y +2 = 2mx+2(m+1)y—2(2m-3)z+1-4m=0

Tim m dé

la phuong trinh mot mét cau?

A m<-1,m>2 B. Vime R
C.0<mx<1 D. m#5
x-3 y-3

Cau 47: Cho duong thang d: R
mat phang (P):x+y—z+3=0 va diém
A(1;2,' —1). Puong thang A qua A cit d va song

song véi mat phang ( P) c6 phuong trinh:

x-1 y-2 z+1 B x-1 y-2 z+1
-1 =2 1 1 2 -1
C. x—lzy—2:z+1 D

A.

x-1 y-2 z+1

1 2 1 1 2 1
Cau 48: Xac dinh m d& duong thing
d:x—13=y—1=z—4 cat mat phéng
8 2 3
(P):mx+2y—4z+1=0.
A.m#0 B.m=#1 C.m=0 D.m=1

Cau 49: Lap phuong trinh mat cau c6 thm nam
x=1+t
trén duong thang d:{y=-t va ti€p xtc véi hai
z=2t
mp (P):x—2y—22+5=0;(Q):2x—y+2z+4=0.
A x> +y*+2"-2x-3=0.
B. X +y* +2"-2x-6y+z+7=0
C.xX+y"+z2°-4=0
D. x*+y* +2° —4x-3y—-z+1=0
Cau 50: Trong khong gian voi hé toa do Oxyz cho
x-1_ y+2 z+3
m 2m-1 2
phang (P):x+3y—22—5=0. Dé& duong thang d

va mat

duong thang d:

vudng goc voi (P) thi:

A.m=-1 B.m=0 C.m=1 D.m=-2
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STUDY TIPS

Hay nhd dén bang cac dang
d6 thi ctia ham s6 bac bon
trong sach giao khoa (trang
38) ma nhiéu lan toéi da
nhic dén cho quy doc gia,
di nhién quy doc gia cd thé
lam theo cach khac. Tuy
nhién, ching ta dang luyén
tap, vi thé khi doc 101 giai
cling la Iic ren thém kha
nang tw duy.

PAP AN
1D | 2C 3A 4C 5B 6A 7B 8A 9C | 10D
11C | 12B | 13B | 14A | 15A | 16D | 17C | 18B | 19C | 20A
21B | 22C | 23B | 24A | 25B | 26B | 27D | 28A | 29D | 30B
31A | 32C | 33D | 34C | 35A | 36A | 37A | 38D | 39A | 40B
41B | 42D | 43C | 44D | 45D | 46B | 47B | 48B | 49A | 50A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
- Nhin vao bang bién thién ta thay ménh dé A va B dung. O phan gié tri cua f (x)
trong bang bién thién ta nhan th&y GTLN cta f(x) la 5 trén R. Vay theo quy
téc loai trir ta sé chon dép 4n D. Tuy nhién, & day t6i van chi ra cho quy doc gia
thdy vi sao y D lai sai.
Cung nhic lai cac kién thirc vé cue tri ma chiing ta da duoc hoc trén 16p thong
qua cudn SGK Giai tich 12 co ban trang 14.
“Gid st hamsd y=f (x) lién tuc trén khoang K = (xo —h;x, +h) va co dao ham
trén K hoac trén K\ {xo}, voi h>0.
4, Néu f'(x)>0 trén khoang (x, —h;x,) va f'(x)<0 trén khoang (x,;x, +h)
thi x, la mot diém cyre dai ciia ham s6 f(x) .
b, Néu f'(x)<0 trén khoang (x, —h;x,) va f'(x)>0 trén khoang (x,;x, + )
thi x, la mot diém cyc ti€u cia ham s6 f (x) J
Khi nhin vao bang bién thién ta nhén thdy, hai khoang trudc va sau diém x =-1
déu c6 gid tri duong, vay r0 rang tai x = -1, ham s6 khong dat cuc tri.
Cau 2: Pap an C.
x=0

x=+J2

Nhén thdy day la ham bac bon trung phuwong ¢6 a=1>0, phuong trinh y'=0

y'=4x> —8x:4x(x2 —2)<:>

c6 ba nghiém phan biét. Vay do thi ham s sé c6 hinh chit W d6i xting ( day la
cach nhé meo thoi). Nghia la d6 thi ham s6 c¢6 mot diém cuc dai va hai diém cuc
tiéu. Di nhién sé cuc dai tai x =0, va cuc tiéu tai x = 2 X = V2 . Theo hinh chit
W thi ta thdy ham s0 sé dong bién trén (—\/E ;O) va (2;+00). Céch nhap meo nhu

sau:

+) Sau khi da suy ra duwgc d6 thi ham s& hinh cht W, quy dc gia c6 thé nhap:
Ta ludn dién diém 0 vao vi tri trung tam, 2 diém con lai dién 2 bén.

Nhin vao cac duong 1én xudng ctia chit W, ltc nay quy doc gia c6 thé dé dang
dinh dang duoc khoang dong bién nghich bién nhu t6i da xac dinh ¢ trén.

Vi bai toan khac cac dang d6 thi vi du nhw cht M (treong hop véi a<0,y'=0
c6 ba nghiém phan biét). Sé nhanh thoi, vé mot duong W, ... sé nhanh hon rat
nhiéu so véi viéc cdc ban ngdi bam may tinh thit, hay vé bang bién thién r6i bam
xem f (x) 16n hon hay nho hon 0. Cac quy doc gia c6 thé tu dét ra quy tac nhod

dang d6 thi cho minh, r6i ttr d6 dwa ra cac kinh nghiém.
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Oham s bacba hay nim rd
quy tic nay:
Ham s& bac ba khoéng cé
cyc tri khi phuong trinh
y'=0 v6 nghiém hodc co6
nghiém kép. Nguyén ly rd
rang ctia cau trén quy doc
gia da hoc ¢ chrong trinh
SGK nén t6i khong nhéc lai
o day. Hoac quy doc gia cé
thé nhd cau, ham s6 bac ba
c6 cuec tri khi phuong trinh
y'=0 c6 hai nghiém phan
biét. TH khong co cuc tri la
TH con lai cia phuong
trinh  y'=0, tic la vo
nghiém hay nghiém kép.

Cau 3: Dap an A.
Ta c6 thé dé dang x4c dinh dwoc d6 thi A va B 1a & TH phuong trinh y'=0 VN
hay nghiém kép (A < 0). Va d6 thi C,D la TH con lai.
Xét phuwong trinh: y'=3ax” +2bx + ¢

A'=b* - 3ac (chinh1a biéu thirc dugc nhic dén trong cac diéu kién trong dé bai.)
Vay voi do thi A va B sé duoc ghép voi cac diéu kién cd A'<0, ticla 2 hoac 4.
Tiép tuc xét dén 4, nhu trong bang véi a>0 thi ham s6 luén dong bién va a<0
thi ham s6 ludn nghich bién. (quy ddc gia co thé xem lai phéan giai bat phuong
trinh da hoc ¢ 16p dwdi, ddu cua tam thirc bac hai c6 denta nho hon khong phu
thudc vao hé so a.)
Vay B—4; A—2, dén day ta cd thé chon ddp 4n A ludn, nhung hay xem xét ca
phan cac d6 thi con lai, vi quy ddc gia dang trong qud trinh 6n luyén.
Cau 4: Dap an C.
Bai toan trén da lam lan luot cac budce rat day da. Co thé néu soat khong ki ludong,
quy ddc gia sé nghi cau nay khong c6 dap an. Tuy nhién, khi di xét tirtng budc
mot ta thdy, phan xét tiém can, cu thé hon la tim tiém can ding, ban da giai sai
tim lim, cy thé nhw sau:

lim y = +o0; lim y = —o0, stta thanh: lim y = —oo; lim y = +o0.

x—>-1" x—>-1" x—>-1" x—>-1"

Cau 5: Pap an B.
Dbé y ki nhé, véi bai nay c6 thé quy doc gia sé khong can viét biéu thirc y'=0 ra
nita ma van c6 thé tim dwoc dap an. Vi sao?

Phuong trinh y'=0 tong quat sé la
y'=x(4ax’ + 2bx), vay phuong trinh c6 3 nghiém phan biét khi ;—b >0, nghia la
a

avab trai ddu. O day 16 1a a va b tréi d&u, do d6 phuong trinh c6 3 nghiém phan
biét. Nhu ¢ cau 2 t6i da phan tich vé dang d6 thi ham trung phuwong bac bon, véi
a>0,y'=0 c6 3 nghiém phan biét thi d6 thi dang W tic 1a ham s6 sé dat cuc dai
tai x=0.Vaykhido y., =1.
Cau 6: Dap an A.
Ta xét phuong trinh hoanh d¢ giao diém:

X +x+1=3x+2 ©ox’-2x-1=0x=-1
Chon gia tri nay vi diéu kién x la s6 nguyén.
Cau 7: Pap an B.
Bai toan nay cung c6 cho quy doc gia vé cac tim nhanh s6 cyec tri ciia ham s6 bac
ba. Ta sé& lan luot di xét phuwong trinh y'=0 cua mo6i ham s6.
(1): y'=3x* —6x+3=3(x~1) =0
phuong trinh ¢6 nghiém kép nghia la d6 thi ham s6 khong c6 diém cuee tri nao
=>m=0.
(2):y'=15x" ~4x+7=0< bdm may tinh thdy phuong trinh vé nghiém
=>n=0.
(3):y'=-3x* —~14x+5=0< bdm mdy tinh thdy phuong trinh ¢4 hai nghiém
phanbiét = p=2.
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Dén day ta c6 thé dé dang nhan ra dap an.

Cau 8: Dap an A.

Ta di tim hai diém cuc tri cia ham s6, do 6 day khong bit xac dinh diém cuc dai,

cye tiéu nén ta di tim hai diém cuc tri ma khong can xac dinh cyee dai, cuec tiéu.
x=4

y'=-3x"+6x+24=0<
x=-2

Gia str A(4;70); B(-2;-38).

Puong thang qua A, B: y=18x-2 < 18x—y—-2=0 (Ltic nay quy doc gia c6 thé
bam mady tinh nhw ltic hoc cap hai, im duong thang di qua hai diém biét toa d6
cho trude, sé rdt nhanh). Khi d6 vdi phuong an C, thay toa do diém D vao
phuong trinh khong théa man, vay loai dap an nay. Ciing véi dit kién nay ta loai
duwocludny C.

Véi dap an A ta tim toa d¢ trung diém ctia AB la (1;16) nam trén duong thang
0y A, vay ta chon A ma khong can xét dén D nira.

Cau 9: Pap an C.

Nhu ¢ cac dé trudce toi da dé cap cach nham tim tiém can ding, ngang ctia d6 thi
ham phéan thtrc bac nhét trén bac nhat. Ta s€ nham dwoc x=1 la TCD, y=2 1a
TCN. Va chon ludn d4p an C ma khong can xét dén cac phuwong an khac.

Cau 10: Pap an D.

m m
-+
Nhén thay: li =lim———=1
nhdy: imy =i

Tuong ty: limy =1

Koo

Vay do thi ham s6 ludén cé mot tiém can ngang y =1.

Vay v6i moi m ma ham sd da cho xac dinh, ta luén c6 mot tiém can ngang, ta di

tim diéu kién d€ d6 thi ham s6 khéng co tiém can ding, tic 1a ta di tim diéu kién

xdc dinh ctia ham s6: x* —2mx+m+6 = 0.

Phuong trinh v6 nghiém khi:

A'<0&(-m) —m-6<0 & m*—m-6<0 &-2<m<3.

Cau 11: Pap an C.

Day thuc chat 1a bai toan khoi tru noi tiép khoi noén.

Ta c6 thé tich vat mi tdbm dugc tinh bang V = B.hi= s’k

Pay la ting dung ctia bai toan tim GTLN, GTNN trén moét khoang (doan) xac

dinh:

Ta sé dua thé tich vé ham s6 mot bién theo h hodc r. Trudc tién ta can di im moi

lién hé gitra i va r. Nhin vao hinh vé ta thdy cac moi quan hé vudng goc va song
6-r 18 -3r

song, dung dinh 1i Thales ta sé co: E =——<h
9 6 2

18-3r  3nur’

2 2

Khi dé: V = f(r)=m. +9mr? v6i 0<r<6

0
f'(r)=—§n.r2 +18r=0< : .
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STUDY TIPS
O day c6 hai diéu kién d&
cho biéu thitc xac dinh, mot
s6 doc gia chi lam diéu kién
d€ can ton tai ma quén diéu
kién xac dinh ctia logarit.

STUDY TIPS
Ta c6 coéng thiic tong quat
ctia cach tim dao ham ham

logarit: (logau)'= N
u.lna

STUDY TIPS

MOot cach lam nhanh la ban
c6 thé xét hiéu cia M va N
trén may tinh va tir d6 suy
ra dap an, tuy nhién day la
qua trinh 6n luyén nén toi
van mong quy dbc gia c6
thé nhé cong thirc bang viéc
suy ludn nhu t6i da néu.

Cong Pha Toan The Best or Nothing

Khi d6 ta khong can phai vé BBT ta ciing c6 thé suy ra duoc voi r=4 thi V dat
GTLN, khi d6 V =48~.

Cau 12: Dap an B.

biéu kién x > _?5

Phuong trinh < log, (3x +5) <log, 8

< 3x+5<8 < x<1.Kéthgp vdi diéu kién xac dinh thi ta chon d4p an B.

Cau 13: Dap an B.

log, (5-x)-120 1Og1(5_x)210g11
4 4

Diéu kién: 1 1 4
5_x>0 x<5
5ox<t  |xx2 [19 J
- 4 & 4 & xe|—;5
4
x<b5 x<b5

Cau 14: Dap an A.
Khi d6 ap dung cong thitc vao ta duoc:
7 1
10 7X ' = =
(1082 (7)) = 7 12016 = w2016
Day la bai toan don gian gd diém nén hay nhé cong thic dao ham nhé!
Cau 15: Pap an A.

bay thuee chét 1a bai toan so sanh hai s6 md, ren luyén cho quy doc gia cac kién

thitc vé s m.
Hai s6 M va N ¢6 cung co s6 la 3 > 1 nén ta chi can so sanh hai s6 m, ttec la so
sanh log, .4 va log,.13.
Toi xin nhac lai kién thikc vé so sanh hai logarit nhu sau:
V6i 0<a=1,va b,c>0:
-Néu 0<a<1, b>c thi log,b<log,c.
b<c thi log b>log, c.

-Néu a>1,b>c thi log,b>log, c.

b<c thi log b<log, c .
Ap dung vao bai toan ta thdy co s6 ctia hai logarit ndm trong khoang (0;1) nén
log, ;4>log,.13
Trddsuyra N<M<1.Dép éan A.
Cau 16: Pap an D.
Cling giong nhw cau 15, quy doc gia co thé bam may tinh tim dwoc dap éan, tuy
nhién ¢ day to6i gidi thiéu cho quy doc gia cach suy luan thong thuong.

o log. 12
P log.7.log, 12 8s log,10  2.log,7.log, 12 s
log,,7.log,. 12 log.7 llog 12 log.10 log,7
—=2— —log, 5 10.

Jdog.12

log 10 2 log. 10

5
Cau 17: Dap an C.

Pat x—x*+2=t>0=-1<x<2.

Khi d6 bat phuwong trinh tro thanh:
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STUDY TIPS

Bai toan lai doi hoi quy doc
gia phai giai bai toan ra,
cht khoéng tht nghiém
duoc.

Ta khong can tim diéu kién
vi d€ y ki 6 day néu giai ra
phuong trinh cudi cua
chiing ta sé la phutong trinh
bac hai, 4p dung viet la ta sé
c6 tong hai nghiém cua
phuong trinh ngay.

log,’t+3log, t+2<0 <log,’t-3log,t+2<0

2
< (log,t—2)(log,t-1)<0 <1<log,t<2 <2<t<4
Dbén day ta co thé'loai dap an A va B.
Véi dap an C va D 1a két qua ctia x vi thé ta can di giai nghiém cta bat phuwong
trinh.
©2<x-x"+2<4 < 0<x(1-x)<2 < 0<x<1 (dap anC).
Cau 18: Dap an B.
Phuong trinh < x> —6x+7=2< x> —6x+5=0
Tong hai nghiém cua phuong trinh:

x1+x2=_—b:6.DépénB.
a

C6 thé quy ddc gia khong can viét rd phuong trinh cudi ra vi 0 rang hé s6 cua x
va x* sé khong thay doi, khong anh hudng dén viéc ap dung Viet. Nén hay d€'y
ki, x&¢ ly linh hoat trong titng tinh hudng dé lam bai nhanh nhat.

Cau 19: Pap an C.

Véi ménh dé A: day la ménh dé ding do 0=In1 nén Inx>0< x>1.

V6i ménh dé B: cing tuong tu, do tara x <1 va két hop véi diéu kién dé€ logarit
ton tai thi ta sé dwoc 0<x <1.

V6i ménh dé C: néu da doc ki phan 10i giai ctia t6i & cau 15 thi chic han quy doc
gia sé giai suy ra ludn duoc day 1a ménh dé sai, do O<e™' <1 .

Ta khong can xét dén dap an D nira.

Cau 20: Pap an A.

Ta c6 cong thirc tinh dao ham nhu sau:

u) uv-o'u
v v?

giai dugc nhu sau:

va cong thitc tinh dao ham ctia logarit t6i da néu ¢ Cau 14 ta sé

1 Inx
(log3XJ,_ (1083 x)'.x—x'.long _ x.ln3'x In3 _1-Inx

x x* x* x*.In3
Cau 21: Pap an B.

Bai toan lai suat ngan hang dwa trén kién thitc vé s6 mii ¢ chwong trinh 16p 12.
Ta c6 goi muec 1ai sudt hang thang la a%.

Sau thang th nhat s6 tién trong tai khoan cua nguoi d6 la: 58000000[1 + %)

2
Sau thang thi hai s6 tién trong tai khoan cua nguoi do la: 58000000(1 + ﬁj

Sau thang thit chin s6 tién trong tai khoan cua nguoi d6 la:

9
58000000(1 + ﬁj — 61758000 = a= (3/61758000 -58000000 — 1).100 ~0,7.

Cau 22: Pap an C.
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STUDY TIPS

Day khong phai la bai toan
tinh tich phan, do dé quy
doc gia khong thé dung
may tinh thé bam dugc ma
phai tim ra cong thitc cu
thé. Hodc quy doc gia cd thé
bdm mdy tinh, tuy nhién
cach lam duy nhét c6 1é la
thém céan vao va thtt tiing
dap an mot.

Math A

n|*, Ixd-ax2+ale
(=1=)
sk

Voi ménh dé A: Day 1a ménh dé ding, vi ta da hoc cong thire tinh nguyén ham va
c6 1a cong thém héng s C. Mbi bidu thitc véi C khac nhau sé 1a mot nguyén ham
ctia ham s6 da cho.

V6i ménh dé B: Day la ménh dé ding, véi ham s6 f(x) lién tuc trén K thi s& c6
nguyén ham trén K.

Voi ménh dé C: Ta nhan thay If(x)dle-"(x) khi F'(x):f(x). Hay nhé rang
nguyén ham chinh la nguoc lai ctia dao ham (day la cdch nhé ndom na théi ban
nhé). Vay C chinh la ménh dé sai. Ta chon ludn dap an C.

Céu 23: Dap an B.

sz x_1dx=I£§—%jdx=f[%]xdx—je-"dx

e e
ol
N —-X x X 0 _ X
_\e) e +C=— 2 ety :2 -i;e (ln2 1)+ :2X+1n2_1+c
ln[zj -1 e'(In2-1) ¢’ (In2-1) ¢ (In2-1)
e

Cau 24: Dap an A.

Dé tinh duoc thé tich ctia khdi tron xoay dwa trén ing dung cta tich phan ta can
di tim hai can 4, b bang viéc tim nghiém ctia phuong trinh hoanh do giao diém:
x=1

2—x2=1<:>x2=1<:>{
x=-1

RV L Jy=2-x%y=1 s
Ta co theé tich cua khai tron xoay gidi han boi dwoc tinh bang

x=Lx=-1

cong thirc: ni (2 —x )2 -1
|

1
dx = n”x4 —4x* + S‘dx
el
bén day ta c6 thé lam theo hai cach:
Cdch 1: BAm may tinh:
Chon nut IDD trén may tinh va nhap biéu thuc tinh tich phan vao.
Chu y trén may tinh CASIO fx—570VN PLUS thi gid tri tuyét d6i chinh la nut
Abs (Absolute), chinh la ki hiéu mau vang ¢ trén nuat @ Puoc bam bf?mg cach
&n nat SHIFT + hyp| sau khi nhap vao méy tinh s& hién két qua nhw hinh vé.
Vay két qua ctia ching tala V = f—gn (dvtt).
Cich 2: Giai thich vé mat toan hoc:
Débo dugce diu tri tuyét d6i trong tich phan, ta can xét khoang ro6i ap dung cong

b c b
thitc sau trong tich phan: If(x)dx = Jf(x)dx + Jf(x)dx

Tuy nhién ¢ day, ham s§ g(x)=x" —4x* +3 luén 16n hon 0 véi moi x e[ -1;1].

1
=7 le—éx3+3x =%n
5 3 -1 15

Khi dé V = n_lﬂg(x)dx‘ = nj.g(x)dx = n.l[(x‘* —4x* +3)dx
b1 a
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STUDY TIPS

D6i voi bai toan nay ta
khong con cach nao khac la
di xét tng dap an mot, vi
bai todn cé tan bén phuong
an, do d6 trudng hop x&u
nhét la quy doc gia phai di
kiém tra ba déap an, tic la
tinh ba tich phan. Do do¢,
Iwra chon t6i wu chinh 1a st
dung may tinh d¢€ t6i wu
thoi gian.

Céu 25: Dap an B.

Vi phirong dn A: Ta c6 thé nhdm nhanh dwgc can cua hai cong thirc tinh dién tich
hinh phéng.

Khi d6 bAm mady tinh nhw & Cau 24 t6i da gidi thiéu cho quy ddc gia thi sé ra
duoc két qua. Hay bam hiéu ctia hai tich phan, néu bang 0 thi ta sé loai ddp an
dd ra va tiép tuc xét.

Ta nhap cong thitc sau vao may tinh:

hz;c—x2 —X‘dx—ﬂ2X—X2 —2+X‘dx=
0 1

Sau khi bam mdy ta dugc:

Math A

J;l2x—x2—;|dx—fb
0

Vi phwong dn B: Ta cling nham nhanh dwoc can cua hai cong thike tinh tich phan

va bam cong thitc sau vao may: T|log X|dx - j”lOX — 10‘dx =
1 0

Sau khi bam mdy ta dugc:

Math A

[3° 110acy lox-[v
-2. 10731

Vay ta chon luén B.
Cau 26: Pap an B.
2x+1

. Theo nhuw

Trudc tién, ta can di tim tiém can ngang ctia d6 thi ham s6 y =
cach tim tiém can ngang nhanh cua d6 thi ham s& phan thitc bac nhat trén bac
nhat ma t6i da gioi thiéu 6 cac dé trude do thi ta sé nhanh chong tim duoc tiém
can ngang cua d6 thi hamsdla y=2.

Ta c6 dién tich hinh phang duoc tinh boi cong thic:

e+2 5
VZ-! x-2

Nhan xét trén [3;6 + 2] thi g(x) =

e+2

dx=J.

3

2x+1_2
x—2

dx

luén duong, nén ta cé thé pha tri tuyét
x—

ddi, va chon dap an B.

Cau 27: Pap an D.

Cho dén khi vat diing lai thi van t6c cua vat brﬁmg Otircla 160-10t =0 <t =16
Trong vat li chiing ta da hoc biéu thirc van tdc 1a dao ham ctia biéu thire li d9, do
vay biéu thirc li d§ chinh 1a nguyén ham cua biéu thic van tdc. Nén quang duong
vat di duoc trong 3s cudi dugc tinh bﬁng:

16 16
[ (160-10¢)dt =(160t =5t )| =45 ko

13
Cau 28: Dap an A.
Thuc chat véi bai toan tinh tich phan nhu thé nay, ban ¢ thé bam mdy tinh va
xét hiéu vdi titng dap an cling dwoc, tuy nhién dudi day toi xin gioi thiéu cach

lam tich phan ting phan nhu sau:
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x3

Dit lnx=u:du=ldx; dvzdex:ﬂ):?
x

3

Khi dé: 1=1nx.% ¢

1

e 3 3
e—jx—.ldx = lne.e——lnl.l —1.1.x3
143 % 3 3) 33

3 3 3
3 9
Cau 29: Pap an D.
Phdn tich: Ta lan luot di xét tirng ménh dé mot:

Voi A: ziz'z(x+iy)i(x'+iy') =(xix')+i(yiy').

9 9 9

bay 1a ménh dé dung.

Voi B: z.z'=(x+iy)(x'+iy')=xx'+ixy'+ix'y+i2yy' =(xx'—yy')+i(x'y+xy')
Day la ménh dé dung.

Voi C ta co:

z _x+iy (x+iy)(x'-iy") _ xx'—ixy'+ix'y —i’yy' _ xx'+yy'+, x'y—xy'

. 1.
Zl xl+lyl x'2+y|2 x72+yv2 x|2+y|2 x|2+y|2

bay la ménh dé dung.
Vay ta chon D.
Cau 30: Pap an B.

Eatep L o0 Vi bai toan nay, bAm mdy tinh la cach lam nhanh nhat. Trudc tién, chuyén may
(5+3i ) (3-5i) ay, ba \ , ! nma
tinh sang ché do s6 phttc bang cach an — 2:CMPLX. Tiép theo an biéu
thirc nhu trén va mdy sé hién ludn két qua cho ban.

Cau 31: Pap an A.

Vi bai todn lién quan dén diém biéu dien s phtc nén ta sé ddt

a0-16i1

z=x+1y (x,yeR).

Khi dé 1‘= '1 =X—i(y—1)2: x _ y-1 21'
2ol iyl (1) (1) e (y)
2 : 7=0
Khi d6 d& —— 13 s8 thuan do thi: { +y-1) {x=0
2t y—_lio y;é]‘
x2+(y—1)2

Vay déap én ctia tala A.

Cau 32: Pép an C.

Dat z=x+iy (x;yeR) = z=x—iy Vay phuong trinh tré thanh:
(3-2i).(x—iy)—4(1-i)=(2+i).(x+iy)

& (3x —2ix = Biy + 21"y ) — 4 +4i = 2x+ 2iy + ix + i’y

& 3x—2x+ 21"y —4— iy +(2ix — iy +4i - 2iy —ix) =0
<:>(x—y—4)+i(—3x—5y+4)=0

x-y-4=0 x=3
= =
-B3x-5y+4=0 y=-1

:>z:3—i:>|z|:ql32+(—1)2 =10.
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Hd—aEI 1 dnE 56

<] Math A

KE—4K+5 i

10003

Céu 33: Dap an D.

Ta cé A(3;2) va B(2;3) , ta ¢4 toa d0 hai diém trén hinh nhw sau:

Nhin vao d06 thi ta thdy A, B, C la sai.

Cau 34: Pap an C.

C6 moét cdch 1am nhanh ctia bai todn nhu sau: do z=2+i nén c6 thé z=2-i

cing la mét nghiém nén c6 thé phuong trinh sé ¢6 mot nhan ter do la:

z* =4z +5=0. Khi d6 bAm may tinh d& tim nhéan t& con lai nhw sau: BAm vao

X* —4X® +14X* - 36X + 45
X?-4X+5

X? tanhap 100 = thi may hién nhw hinh bén.

Ta phén tich 10009 =1 00 09, khi d6 nhan ti con lai sé la z* +9.

may tinh biéu thuc sau d6 an CALC thi may hién

z=-3i
z=23i
Vay phuong trinh < (22 +9)(z2 -4z +5)=0 <
iy phuong (=% +9)( )=l o
z=2-1

Céu 35: Dap an A.
bat AB=AC=BC=a.

1, a3 a3
L

Khidé S, ==.
apc =5 4

giac day tang l1én 4 lan. Vay chiéu cao can giam di 4 lan. Ma ta c6

, khi tdng canh dday 1én hai Ian thi dién tich tam

S0 =0A.tan($4;( ABC), do canh dy tang 1en 2 Tan nén OA ting 2 fan, dé SO

licnay giam duoc di 4 [an thi tan gdc gitta canh bén va mat ddy phai giam 8 lan,
do da tang ca 2 lan OA nira.

Cau 36: Dap an A.

Chiéu dai ctia tdm bia la 20cm téc la chu vi ctia day hop hinh tru va day hop
hinh hop 1a 20cm.

Do 2 khéi ¢6 cuing chiéu cao nén ti s6 thé tich sé tinh theo ti s6 dién tich day cua
hai hinh.

Dé€ tinh duoc dién tichhinh tron day ctia khoi hop hinh try, ta phai di tim ban

kinh ddy. Theo gia thiét chu vi chola 20=2n.R< R= 10
T
Khi d6 S, =nR* = n.@ _100
T T
Dién tich day cia hinh hop S, =5.5=25
\%
Khido L =10:05-2
T T

2
Cau 37: Pap an A.

Ta thay nhin vao hinh vé thi ta can tim d6 dai duong chéo ctia mat day bang
Va* +b* .

Khi d6 d=+a’> +b* +c* .

Céu 38: Dap an D.

Do tam giac SBC can tai S nén goi I 1a trung diém cua BC thi:
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SILBC;AILBC:@X:(W)

2a. 203 _ 243,

Do day ABC la tam giac déu nén: S ABC E )

Thé tich khéi chép duoc tinh bang:

3 3
=l.SA.SABC=&<:>SA=3a B g3
3 2 2 23 2
Khi dé: tanﬁ—%—%.za[=£ :>S/Iz\4=arctan£
Al 27 2 2 2

Cau 39: Pap an A.

bay la bai todn quen thudc trong giai hinh khong gian 12, néu da luyén tap nhiéu
thi khi vé xong hinh bai nay c6 thé nhan ra luén AC la duong kinh cia mat cau
ngoai tiép khdi ABCDEHK. Tuy nhién t0i sé trinh bay dwdi day dé€ quy doc gia

c6 thé hiéu 1o hon.

Dé& xdc dinh khoi ciu ngoai tiéh mét da gidc, ta tim dwong thing ma cdc dinh cia da dién
nhin dwong thing d6 dwéi mot géc vudng.

O day ta da xac dinh dwong d6 1a AC, nén tdi xin chi cach chitng minh nhu sau:
Ta ¢6 thé nhan thady duoc B,D nhin AC dudi mét goc 90°.

2 2
D& tinh duoc SD = a5 ; KD=2P_ _ 4 - SC=+SAT+ AC? = a6
SD a5 [

Do dé bai cho d¢ dai cac canh kha ro rang nén ta sé dung dinh ly Pytago d€ ching
minh AKC=90°. Tacd: —— s -1 = ax=22 (3
SA* AD*> AK? J5

Ta c6 SC* =SD* +CD* = tam gidc SCD vudng tai D. Khi d6 tam gidc 2KDC

vuéng tai D = KC =+/CD? + KD* = # .
5

Tacd AK? +KC? = AC?. Vay AKC =90°. Chting minh tuong tu thi AHC =90°.
bén day ta c6 thé két luan dugc AC chinh la duwong kinh mat cau ngoai ti€p khoi

ABCDEHK.Ma AC =av2 = OA = % :
2
vdrow dap 2o
3 3 22 3
Cau 40: Pap an B.
Ta c6 giao tuyén ctia mit phang (P) v6i mat cau la mot duong tron. Khi do A,

B, C nam trén duong tron nay, néu dé y ki ta thay CA® = AB* + BC?, do vay tam
gidc ABC vuong tai B, titc la AC chinh la duwong kinh ctia dwong tron nay, hay

r =15 dm. Ta c6 hinh vé minh hoa sau:

Nhin vao hinh vé ta thay: d(O;(P)) = \/R2 -7 = \/172 —15* =8.
Cau 41: Pap an B.
Ta thay tam gidc SAB vudng can tai S co:

SA=SB=3J2 = AB=+/SA% +SB? =6

A'\L/B
Ma SO=0A= OA—AZB 3.
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Khido V. = %.SO.TE.?)Z = %.32.713 =97.

Cau 42: Pap an D.

Do dién tich thiét dién 1a S = 64* = 2a.h < h = 3aKhi d6 S,, = chu vi ctia duong
tron day x h,

S,, =2ma3a= 6ma®, V=Bh=na*h=mna’3a=23a"x.

Cau 43: Dap an C.

Mit phang Oxy di qua O(O;O;O) va co vipt n= (0;0;1) nén phuong trinh
Oxy:z=0.

Goi M' la diém ddi xting ctia M qua mat phang Oxy. Goi d 1a dwong thang di
qua M(2,' —5;7) va vudng goc voi (Oxy) .

x=2
Suy ra vtcp uj = ﬁ(ow) =(0;0;1) =d:qy=-5
z=7+t

Khi d6 giao diém I ctia d véi mdt phang Oxy 1a trung diém caa MM’. Ma I € Oxy
dod6 7+t=0< z=-7 =1(2;-5,-7). Khi d6 M'(2;-5;-21)

Cau 44: Dap an D.

Tacé MN =(2;2;2)

x=t
Truc Ox ¢6 phuong trinh Ox:{y =0 . Khi d6 Ox c6 vtcp i= (1;0;0) .
z=0

Ta c6 mét phang (P) can tim song song véi truc Ox va duong thang chira MN.
Suy ra "= |:1_:l,;:| = (0; —2;2).

Mat phéng (P) di qua M(l;—l;2) va vtpt ﬁ=(0,‘ —2,'2)
=(P):2(y+1)+2(2-2)=0 <(P):~y+z-3=0 < y-z+3=0.

Cau 45: Pap an D.

Tacé AeOx;BeOy;CeOz do do A(x;O;O);B(O;y;O);C(O;O;z). Khi dé Ian luot
thay toa dd céc diém trén vao phuong trinh mat phang 2x -3y + 5z - 30 =0 thi
ta lan luot dugce A(15;0;0), B(0;-10;0),C(0;0;6).

Tt hinh vé trén ta nhan thay ti dién OABC c¢6 cac canh bén OA;OB;OC d6i mot

vuong goc, do dé V, l.OA.OB.OC.% = %.15.10.6 =150.

ABC
3

Néu khong d€'y ki diém nay cé thé quy ddc gia sé di tinh thé tich cta khéi chop

rat phtec tap.

Cau 46: Dap an B.

Néu phuong trinh méat cau dang x* +y* +z° + 2ax + 2by + 2cz +d = 0, d€ phuong

trinh trén la phuong trinh mot mét cau thi d—a® —b* —c*> <0. Do vay ap dung

vao bai toan nay ta c6, d€ thdéa man yéu cau dé bai thi:
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1—4171—(1712 +(m+1)2 +(2m—3)2) <0 < 6m*—6m+9>0 ludn 16n hon 0, do d6
v&i moi m thi ludn thoa man diéu kién.

Cau 47: Dap an B.

Do & day néu quy doc gia goi vtep ctia duong thang A khi d6 chi c6 hai dit kién
ma chi c6 hai phuong trinh nén khéng thé dat nhw vay duoc.

Goi H=dnA=> H(3+t;3+3t;2t), lic nay chi ¢c6 mot an. Do Al (P) nén
AH L np) = AH.np) =0

& (t+2).1+(1+3t).1+(2t +1).(-1) =0 & t =—1.Khi d6 u, = AH = (1,-2;-1).

1 y-2 z+1
-2 -1

Khi d6 phurong trinh A: e I

Cau 48: Dap an B.

D€ duong thang d cat mat phang (P) thi duong thang d khong song song voi

mgt phang (P)

Khi d6: < g #0<>8m+22-3420 < m=1.

Cau 49: Dap an A.

Ta cob I(1+ t; —t;2t). Mat cau tiép xuc voi hai mat phéng do dé
1+t 420-22045 [2.(1+)+E+22t+4

dlL;(P))=4d(;(Q))=R = =

(P)=4(142) firz  Jmener
=0
=2

<:>|—t+6|:|7t+6| & !
t

V6i £ =0 thi I(1;0;0) va R=2,khi d6 (S):x* +y* +2" —2x-3=0

Voi t=-2 thi ] (—1; 2; —4) (khéng c6 phuong trinh thoa man).

Cau 50: Pap an A.

Ta thdy d& duong thang d vudng goéc véi mat phang (P) thi vecto phap tuyén
ctia mt phang (P) song song vdi vecto chi phuong ctia duong thang d.

Khidéthi "=2""1_2 . _ 1
1 3 2
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BE ON LUVEN SO 7

Cau 1: Khang dinh nao sau day la dang?
A. Tbn tai cac sO thuc a,b,ceR,a#0 dé ham

s6 y=ax* +bx* +c luén dong bién trén R.

B. Ham s6 y=ax+b(ac¢0,ad—bc¢0) luén
ox +
don diéu trén (_w;_éj va (—£;+ooj.
c c

C. Db thi ham s6 y=ax’+bx*+cx+d,a=0
ludn co hai diém cuec tri.

D. Ca ba ménh dé trén déu dung.

Céau 2: Tim tdt ca cac gid tri cia m d€ ham s6
y= %(m2 - 2711)x3 +mx” + 3x ludn dong bién.

A. me(—oo;O) B. me(—oo;O)u[3;+oo)

C. me(—oo;O] u[3;+oo) D.me (1;3]

Cau 3: Chohams6 y =+/x+1++/5-x.Ham s6 dat
cue dai tai:

A.x=-1 B.x=2 C.x=5 D.x=3
Cau 4: Cho ham s6 y =x° —(m+2)x+m. Tim m
dé€ham s dat cuc tiéu tai x =1.

A.m=-1 B.m=1 C.m=2

Cau 5: Két luan nao sau day la sai?

D. m=-2

. . T
A. max{smx,cosx}:cosx khi O<x<Z.
. . i
B. max{smx,cosx} =cosx khi 0<x<§.
. . LT
C. max{smx,cosx}:smx khi Z<x<n.

(. LT
D. min smx,cosx} =cosx khi Z<x<n.

Cau 6: Cho ham s6 y = f(x) =Jx*. Két luén nao
sau day la sai?

A. y. =0 khi x=0.

B. f'(0)=1va f'(x)=1,x#0.

C. miny=0 khi x=0.

D. Ham s6 lién tuc véi moi x e R.
Cau 7: Tim d¢ dai cdc canh ctia tam gidc vudng
ABC (vudng tai A) sao cho tam giac ABC c¢6 dién
tich 16n nhat, biét AB+BC =a.

A AB=S.pc=28 g3
3 3 3

B. AB=2;Bc=3%, ac N2
4 4 2

C. AB:E;Bczﬁ;ACJNE
5 5 5

D. AB:E;BC:%;AC:&
6 6 3

Cau 8: Tim tiém can ding ( TCD) va tiém can
x*—x-2

ngang ( TCN) cua d6 thi ham s6 y = 5
(x-1)

A.TCD: x=1; TCN: y=-1.

B.TCD: x=1; TCN: y=1.

C.TCD: x=1, TCN: y =2.

D.TCD: x=1; TCN: y =-2.
Cau 9: Cong ty my pham chuan bj ra mot mau san
pham dudng da méi mang tén Ngoc Trai vdi thiét
ké la mot khdi cau nhu vién ngoc trai khong 16,
bén trong la mét khoi tru ndm trong ntra khoi cau
dé€ dung kem dudng, nhu hinh vé (hinh anh chi
mang tinh chdt minh hoa). Theo du kién, nha san
xuldt ¢4 du dinh dé khoéi cAu cd ban kinh 1a
R =33 cm. Tim thé tich 16n nhét cta khéi tru
dung kem dé thé tich thuc ghi trén bia hop 1a 16n
nhat (v6i muc dich thu hut khach hang).

B. 187 cm®

A. 541 cm®

C. 108n cm’ D. 45n cm’

Cau 10: Toa do giao diém cua d6 thi ham s6

(C) 1y =% va duong thang y=x+1 la:
A.(22) B.(2-3) C.(-1;,0) D.(3;1)

Cau 11: Choham s6 y = fc;i (C ) . Goi giao diém

cuia d6 thi ham s§ (C) vé6i duong thang

y=-x+mlan luot la A, B. Tim m d&€ OAB tao

1 1
thanh mot tam giadc thoa man —+—=1
OA OB
. m=0 B.m=2 C.m=0 D.m=3
m=2
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Cau 12: Giai phurong trinh:
log, (Zx - 3)2 —2log, x=4.
A. x:l B. x:—l C. x:l
2 2 4
Cau 13: Tim m d€ phuong trinh 47 -2 +6=m
c6 dung 3 nghiém.
A. 2<m<3 B. m>3
C.m=2 D. m=3

Cau 14: Tim dao ham ctia ham s6:

f(x)=vx+2.In’x.

In® x +2\/x+2.lnx
2Nx+2 X
Inx  2vx+2

B. - Inx

2Nx+2 X

2
C. In” x +2Vx+2.Inx

2\x+2

In? x
D. -2Vx+2.Inx
2\x+2

D. x=_—1
4

A.

2
Cau 15: Bidu thiee N =325 (%} duoc viét duéi
a

dang (%) . Tim m.

A. m:i B. m=_—1 C. m:l D. m=ﬂ
20 15 15 40
Cau 16: Cong thitc nao la sai trong cac cong thirc
sau? (véi cac biéu thic trong cac y déu thoéa man
diéu kién xac dinh)

A.log a"=n B. %N =N

C. log,b.log,c=log, c D.log , M =Blog M
Céu 17: S6 nghiém phuong trinh:

1 2 5
+ =1 la:
5-logx 1+logx
A.2 B.1 C.3 D. 4

Cau 18: Cho a>0,b>0 théa man a* +b*> =7ab.
Chon ménh dé dang trong cac ménh dé sau?

a+b

A. log, — = %(log7 a+log, b)

B. log log, a+log, b)

3

a+b 1
_§<

C. log, a;b =%(log3 a+log, b)

“_”’:l(

D. log 3 log, a+log, b)

7

Cau19:Néu a=log,, 6, b=log,,7 thi log,7 bang:
2 gt 2 p o
b+1 1-a b-1 a-1

Cau 20: Ba Ta Anh gti 100 triéu vao ngan hang

theo thé thuc 1ai kép (dén ki han ma nguoi gui
khong rat 1ai ra thi tién 1ai dugc tinh vao vén cua
ki tiép) voi lai suat 7% mot ndm. Hoi sau 2 ndm
ba Ta Anh thu duoc lai 1a bao nhiéu? (gia st lai
sudt khong thay doi).

A. 15 triéu dong B. 14,49 triéu dong

C. 20 triéu dong D. 14,50 triéu dong.

Cau 21: Tich cdc nghiém cua phuong trinh

log 3x
log,x = m a
A. % B. -1 C.1 D. 27

Cau 22: Ham sb F(x):ln<x2+x+1) la mot

nguyén ham cta ham sé:

A1 p 2+l

1n(x2+x+1) X +x+1
2x+1 D 1

T (2. 1) T2 4

ln(x +x+1) x +x+1

Céau 23: Ham s6 f(x) = (6x +1)2 c6 mot nguyén
ham c6 dang F(x)=ax’+bx* +cx+d thoa man
diéu kién F(-1)=20. Khi d6 (a+b+c+d)bang:
A. 21 B. 20 C.15 D. 46
Cau 24: Khi tinh tich phan jiln(x + 3)dx bang
0
phuong phap tich phan ting phan ta duoc két

6 6 6
qua sau:'([ln(x+3)dx = [xln(x+3)} 0—£f(x)dx.

Hoi f(x) bang bidu thitc nao dudi day:

x D. 1
x+3 x+3
Cau 25: Goi (H) 1a hinh phang gi6i han boi céc

A. x B. x? C.

duong y=e";y=0;,x=0;x=1. Tinh thé tich cua
khgi tron xoay sinh ra khi quay (H) quanh truc
Ox.

A. Tc(e2 —1) B n(e —1)
C. g(e2 ~1) D. g(e ~1)
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Cau 26: Néu dién tich hinh phang gi6i han béi hai

dudng y=x* va y=mx(m>0) bang % dvdt thim

bz‘?mg:
A.4 B.2
C.3 D. Bap an khac.

Cau 27: Tinh thé tich cua vat thé khi quay hinh

phang gi6i han boi d6 thi ham s§

(C) :x* +y* —2x—3=0 va truc Ox quanh truc Ox.
A. En dvtt B. 3—571: dvtt
3 2
C. % dvtt D. 4n dvtt

Cau 28: Khi tinh tich phan J. bang phuong

phap doéi bién s6 x—1=sint ta dwoc tich phan

nao dudi day?

o

o

©»n |~
~
St |a

: S
A [— C. j D. |

0 o sint o Cost o sint
Cau 29: Nghich dao ctuia s6 phtic (3+41) la s&

phttc nao dwdi day?

3 4. 3 4.
———1 B. —+—1i
25 25 25 25

c. 24 D. 212
5 5 5 5

Cau 30: Cho hai s6 phtc z z' thoa man
2.z’ +2z.z' = 6. Phan thyc cua s6 phie z.z' 1a:

A.khong tinh dwoc.  B.3

C.6 D.5
Cau 31: Cho phuong trinh:
z*+(3-i)z-10+2i=0. Néu 2 1a mot nghiém
ctia phuong trinh thi nghiém con lai bang bao
nhiéu?

A.1-i  B.-5+i C -8+2i D.1+2i

Cau 32: Cho z = (1 - i)7 . Diém biéu dién ctia z nam
trong goc phan tw nao ctia hé toa d6 vudng goc
ctia mgt phang?
A. Goc phan tue L.
C. Géc phan tu I1I.

B. Go6c phan tw IL
D. Géc phan te IV.
Cau 33: Cho biét z.z =4, tap hop cac diém bidu
dién ctia z c6 phuong trinh la:
A x> +y*-4=0 B.x*+y°-16=0
C.x-2y-3=0 D. x+2y-3=0

Cau 34: S6 phtc (1+i)5 viét dudi dang x+yi
bang:

A, 4+4i B. 4-4i C.4+4i D.4-4i
Cau 35: Cho hinh hop ABCD.A'B'C'D" ¢6 thé
tich V. Goi O la giao diém cua AC va BD. Thé tich
cta hinh chép OA'B'C'D' la:

AY Bl
6 4
C. % D. Khong di DK dé tinh the tich,

Cau 36: Giao tuyén ctia mat non tron xoay véi mot
mat phang bat ki c6 thé la:

A. mot duong cd nic (¢ day la duong tron, elip,
parabol).

B. mot diém.

C. mot duong thang.

D. Tat ca cac truong hop trén.
Cau 37: Duong sinh tao nén mat xung quanh ctia
mot hinh tru tron xoay la:

A.Puong thang

B. Poan thing

C. Puong gdp khuc.

D. Khong phai nhitng duong trén.
Cau 38: Mot mét cau goi 1a ndi tiép bén trong hinh
tru khi mat cau doé tiép xac voi tat ca cac duong
sinh va ca hai mat day cua hinh try. Goi V, 1a thé

tich khai try, V, la thé tich khdi cau. Tinh Y,

Az B2 ¢l D2

3 2 2
Cau 39: Cho tam giac ABC déu canh a noi tiép
trong duong tron tam O c6 dwong kinh AD. Trén
duong vudng gbéc véi mit phang (ABC ) tai D ta

lay diém S véi SD = %. Dién tich xung quanh

cua mat cau ngoai tiép ti dién S.ABC la:

A. 4tg®>  B. 8ma® C. %naz D. 6na?

Cau 40: Mot chiéc c6c dang hinh nén, chtva day
reeou nhu hinh vé. Do cu Ba c6 tiru lvgng kém nén
cy uéng mot luong ruou nén “chiéu cao” cua
reeou con lai trong bé“mg mot nira chiéu cao ban

dau. Hoi cu da udng bao nhiéu phan trong cdc?
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+——R—» 2
H 7
ot
2
A.l B.l C.Z D.E
2 8 8 4

Cau 41: Cho hinh chép S.ABCD c6 day la hinh
vudng canh a va duong cao SA=2a. Mot mat
phang vuong gdc véi SA tai trung diém M ctia SA
cit SB, SC, SD Ian luot tai N, P, Q. Xét hinh tru ¢6
day la duong tron ngoai ti€p MNPQ va duong
sinh MA thi thé tich khéi tru nay c6 gia tri la:

3 3 3

N T G R
4 8 2

Cau 42: Tam gidc ABC vudng can tai A, canh
huyén BC = w2 quay quanh canh géc vuong AB
sinh ra hinh nén c6 dién tich xung quanh bang:

A.ma®  B.3m®  C.2m® D2
Cau 43: Cho bén diém M(1;2;3),N(-1;0;4),
P(2;—3;1) va Q(2;1;2). Céap vecto cung phuong
la:

A. khong ton tai. B. MN va PQ

C. MP va NQ D. MQ va NP
Cau 44: Cho a= (1,' -1; 1),5 = (0; 1;0).Toa do vecto
e=[a5] o

A. (-1;0;1) B. (1,0;-1)

C. (0;-1;1) D. (0;-1,1)
Cau 45: Cho diém A(—l; 2;1) va hai mjt phang
(OL), (B) lan luwot ¢4 phuwong trinh:
(0):2x+4y—6z-5=0 va (B):x+2y—3z=0.
Ménh dé nao sau day dung?

A. (B) di qua A va song song voi ((x).

B. (B) khoéng qua A va khong song song voi (a).

C. (B) di qua A va khong song song véi (oc).

D. (B) khong qua A va song song voi (a).

Cau 46: Mit phang di qua hai diém
A(O,‘O,’ —2),B(2;—1;1) va vuong goéc voi mat
phang 3x -2y +z+1=0 c6 phuong trinh la:

A 4x+5y-z-2=0 B.9%x-3y-7z-14=0

C.5x+7y-z-3=0 D.Dap an khac.

Cau 47: Cho mat cau (S) x4y’ +(z—2)2 =16
cat hai mat phing (Pl):x+2y+z—2=0 va
(PZ) :2x+7y—3z+6 =0 theo cac duong tron giao
tuyén véi ban kinh la r, va r,. Khi d¢:

A. 1 =2, B. r, =2r,

C.r+r,=6 D.r=r,

x=2
Cau 48 Cho d:{y=2t-m va mat phang
z=t+n
(P):2mx—y+mz—n=0. Biét d nam trong mat
phing (P), khi d6 m+n bang:

A. -8 B. 12 C.8 D. -12
Cau 49: Cho céc diém A(;0;0),B(0;5;0),
C(O;O;c), voi abe # 0. Khoang cach tit O t6éi mat
phang (ABC) bang:

1 |abc|

A — B.
\/a2b2 +b*c* +c*ad?

Na* +b* +¢?
C.a—b D. \Jab+bc+ca

c
Cau 50: Cho mit phang (P) va mat cau (C ) co
tam [ va ban kinh R. Ménh dé nao sau day la
dung?

A. M3t phang (P) ti€p xtc voi mét cau (C ) tai
diém E thi moi duong thang di qua E déu la tiép
tuyén ctuia (C )

B. Mit phang (P) tiép xdc voi mdt cau (C ) thi
moi duong thang nam trong (P) déu la tiép tuyén
cta (C)

C. Mit phang (P) ti€p xdc voi mat cau (C) thi
khoang cach tir tim I dén diém M tlry y thude (P)
bé hon ban kinh R.

D. M3t phang (P) ti€p xtic voi mét cau (C ) tai
diém E thi mat phang nao vuéng goc voi (P) di

qua E déu di qua tam L
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DAP AN

1B 2C 3B 4B 5B 6B 7A 8B 9A 10C
11B 12A | 13D | 14A 15B 16D | 17A | 18B 19B 20B
21D 22B 23D | 24C | 25C 26B 27A | 28C | 29A 30B
31B 32A | 33A 34B 35C | 36D 37B | 38A | 39C 40C
41B 42D | 43D | 44A | 45A | 46D | 47D | 48A | 49B 50D

STUDY TIPS

Pay la cach lam thoéng
thwong, ltc lam bai tric
nghiém quy doc gia khong
can vé bang bién thién ma
chi can so sanh cac gia tri va
két ludn cuc dai cuc tiéu
thoi.

HUONG DAN GIAI CHI TIET
Cau 1: Pap an B.
V6i A: Ta thdy d6 thi ham trung phuong bac bdn ma ta da hoc trong chuwong trinh
16p 12 ludn c6 it nhat mot diém cuwee tri nghi 1a ludn c6 khoang dong bién va
khoang nghich bién, do d6 A sai.
Voi B: Nhan xét: véi ham phan thiic bac nhat trén bac nhat thi ¢6 dao ham:
. ad-bc

= ludn 16n hon hoac nhoé hon 0, do vay ludn don diéu trén [—oo; —Ej
(cx+d) c

va (‘% ; +oo] , day 12 ménh dé dung,
Ta khong can xét dén ménh dé C va D nita.

Cau 2: Pap an C.

Ta xét ' =(m2 —2711)352 +2mx+3

Véi m=0 thi y'=3>0 do d6 ham s6 luén d6ng bién trén R.

Véi m=2 thi y'=4x+3 (loai)

V6i m # 0;2 thi ham s6 da cho la ham bac ba, d€ ham s6 ludn dong bién thi y'>0

véi moi x (dau bang xay ra tai hitu han diém).

5 m>2
. m> =2m >0 m> m<0 m<0
Khi va chi khi ) ) <<lm<0 = R
A'=m —3(m —Zm)SO ) m=3
2m- +6m<0

m>3
m<0
Két hop lai ta duoc me (—oo;O] U [—3; +oo).
Cau 3: Pap an B.
biéu kién: -1<x<5
Xét phuong trinh y' khong xac dinh tai x=-1;x=5.

1 1
y'=0 < - =0 =2Vx+1=v5-x < x=2 (TM)
2Nx+1  24/5-x

Ta c6 bang bién thién:

x -1 2 5

F c e

23 |
fx) . / \ﬁ

Vay ham s0 da cho dat ceec dai tai x=2.
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Cau 4: Dap an B.

Dé&ham s06 dat cyc ti€u tai x =1 thi

STUDY TIPS
Theo dinh ly 2 sach gido

khoa Giai tich co ban trang y' (1) =0 - 3.1 - (m + 2) =0 o me1
16 nhu sau: y"(1)>0 6>0
Gid siv ham so’ y:f(x) cd . L,
L i Cau 5: Dap an B.
dao ham cdp hai trong khodng
(x,~hx, +h), v6i h>0. Xét ham so f(x) =sinx —cosx . Ta sé xét dau ham so trén (O;n) .

Khi dé: o ‘ _ T

o, Néi f'(xo):O,f”(xo)>0 Tacod sinx—cosx=0 < sinx = s1n(x+5]

thi x, la diém cuec tiéu. . . .

b, Néu f'(x“)=0,f"(x“)<0 <:>x=(n—x—5]+k2n <:>2x=5+k2n C>x=z+kﬂ:

thi x, la diéin cyc dgi. ‘1z o
° T Ta c6 bang xét dau sau:

|0

PN
N | a

f(X) 0 + +

Nhin vao bang xét dau ta thay trong khoang [O;EJ thi sinx < cosx.

Do do max{sin X, COS x} =cosx nén A dung. T day ta co thé suy ra B sai.
Cau 6: Pap an B.
Ta xét ting ménh dé mét.

_2x _ x
W

ma f(x) van dat cuc tiéu tai x =0, do d6 ta chon B.

Taco f (x) . Nhan xét khong ton tai dao ham ctia ham s6 tai x =0

Cau 7: Dap an A.

Goi d6 dai canh AB = x véi xe{O;%j. Khi d6: BC =a—x

Taco: AC=vBC? - AB* = \(a-x) —x* =+/a* - 2ax
a(a—3x)

24Ja® - 2ax

2

5'(x)=0< x="2.V&BBT thi thdy S| = |=—"— 1a GTLN cua 5(x) trén | 0;= |.
3 3) 63 2

thoa man: Ci Dap 4n B

lim £(x)=v,, hr&f(x):yu au 8: Dap an B.

X400 : 1 2
Duong thang x=x, duwoc Pox-2 - ; 2

STUDY TIPS
Duong théng y=y, la tiém S(x)le /az_zax,. Sv<x):
can ngang cua d6 thi ham s6 2
y= f(x) néu it nhit mot

trong cac diéu kién sau duogc

goi la tiém can dung cua d6 Ta co }g}l (x - 1)2 et 1

thi ham s& y=f(x) néu it 1

nhat mot trong cac diéu kién ST Nt AL en A
> Tons < ‘ = DO thi ham s6 c6 mot tiém canngang y=1.

sau duwoc thoa man:

lim f(x)=+0,lim f(x)=—0, ~ Tacd limy=—oo;limy =+0 = D6 thi ham s6 ¢6 mot tiém can ding x =1.

x—1" x—>1*

lgnf(x)zmlimf(x):m Céau 9: Dap 4n A.
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f'(h) +

f(h) / f[ﬁ) \

STUDY TIPS

D€ tim dwoc toa 40 2 diém
A, B ta di xét phuwong trinh
hoanh d¢ giao diém cua 2
d6 thi ham s6.

Vi day la bai toan dé bai cho
diéu kién nhw vay thi chic
chén s& c6 hai giao diém r6i
nén qui doc gia khong nhat
thiét phai mat cong di tim
xem c6 giao tai hai diém
phan biét hay khong nhw tw
luan.

DPay la mot bai toan thuc t€ dua trén ting dung: khoi tru ndi tiép nira khoi cau.
Ta c6 mit cit ctia ntra khoi cau dung mi pham véi cac kich thudc duoc thé hién
trong hinh vé bén.

Y tuong ctia bai toan nay dua trén kién thite ching ta da hoc la tim GTLN-GTNN
ctia ham s8 mot bién trén 1 khoang (doan ). O day c6 hai bién d6 1a r va h. Do &6
ta sé tim cach d& dua vé mot bién, dua bién nay theo bién kia. O day t6i sé dua
theo h.

Ta nhén thay theo dinh ly Pytago thi r* = R*> - ”.

Khi d6: V,, = Bh=mr*h=n(R* =k )i = (k> + R*.h)

t
D& thé tich khéi tru 16n nhat thi f(k)=-h+R*h c6 GTLN trén (0;R).
Fi(h)=-312 + R =0 & h == =3

V3
Ta c6 bang bién thién (di nhién trong khi lam bai thi tric nghiém, quy doc gia
khong nhat thiét phai vé bang bién thién 1am gi. Tuy nhién t6i van vé ¢ day dé
giai thich r6 cho quy doc gia hiéu.
Ma f[%j = £(3)=-3"+(3V3) 3=54.Vay V,, =54r.
Cau 10: Pap an C.
Diéu kién: x = 2.

Xét phurong trinh hoanh d6 giao diém ctia d thi ham s& (C ) va duong thang d:
x*-2x-3
x-2

= A(-1,0).
Cau 11: Pap an B.

Diéu kién: x =1

=x+1 <:>x2—2x—3=(x+1)(x—2) o -2x-3=-x-2 ox=-1

Ta gia stt nhu sau: A(xl;—x1 + m);B(xz;—x2 + m)

Taco OA=yx] +(—x, +m) ;

2
OB=\/x,* +(-x, +m)
bé tim duoc biéu thike gitta x;x, va m thi ta can xét dén phuong trinh hoanh do
giao diém nhu sau:
Véi x#1 thi phuong trinh hoanh d6 giao diém

x—2

=—x+m<:>x2—mx+m—2=0(*)
x—1

Nhiéu ban sé 4p dung dinh ly Viet roi sau d6 thé vao phuong trinh tim m. Day
la cach lam truyén thong khi ta hoc tw luan. Tuy nhién ¢ day néu dé'y ta sé thay
phuong trinh (*) sé thda man véica x, va x,.

Vay x> —mx, +m-2=x,"—mx, +m—-2=0

o x’—mx =x, —mx, =2-m(**)

Nhin vao biéu thitc OA ta thay:

2 2 2 2 2 2
x)+(=x, +m) =2x7 = 2mx, +m® =2(x —mx, )+ m
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Dén day ta da nhan ra diéu gi chura, néu thay déng thiic (**) vao thi ta sé duoc:

OA=[2(2-m)+m* =m* ~2m +4

Tuwong tw ta <6 OB=+/m* —=2m+4
2 m=0

—_— &

Nm?—2m+4  [M=2

bén day c6 thé nhiéu quy doc gia khoanh ludn dap an A. Tuy nhién néu cha y

Khi dé 1=

ta sé thay dé cho tao thanh tam gidc nén ta can thit xem voéi cac gid trim do 3
diém O, A, B c6 thang hang hay khong? Va ta loai dwoc m =0 . Vay dap an ctia
chiing ta la B.

Cau 12: Pap an A.

Diéu kién: x ;t%;x >0

2 2x-3Y
log, (2x—3) -2log,x=4 <log, =log, 16
1
xX=—
o(2x-3) =16x* =| 2
-3
x=—(l)
2

Cau 13: Pap an D.

Ta sé tim cach dat an, dua VT vé dang ham s bac hai mét an. Sau do6 vé bang
bién thién va két luan gid tri cua m.

PT 2% —42° +6=m.Dat 2 =t(t>1). Tim duoc diéu kién ¢>1 do x* >0
nén 2° >2° =1.

Xét phuong trinh t* —4t+6=m (1) . Nhan xét rang véi mdi gid tri cia ¢ >1 ta cd
hai gid tri ctia x, d€ phuong trinh ¢6 ding ba nghiém thi phuong trinh (1) co
mot nghiém t =1 va mot nghiém ¢ > 1. Khi d6 m =3 (thoa man).

Cau 14: Pap an A.

Ta co: f'(x)=<Vx+2.ln2x)' =( /x+2)'.ln2x+ /_x+2.(ln2x)'
L .ln2x+\/m.%.lnx _ Jntx +2\/xj.lnx.

2Vx+2 X 2Vx+2 X

Cau 15: Pap an B.

2
Ta cé: N:5E. ayp = é
al\b a

Cau 16: Dap an D.
Ta lan luot di xét titng ménh dé mot:
Dé xé4c dinh duoc A, B dung.

log, c

0g, a

Véi Cta co log, b.log, c= =log,c.

Vay C dung, ta chon D.
Cau 17: Pap an A.

114 | Khai bao sach chinh hing tai: congphatoan.com dé nhan 100 dé thi thir ting kem



25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Diéu kién: x >0
1 2 1+t+10-2t

Dat logx =t khi do phuwong trinh tré thanh: + =1 =1
108 P & 5-t 1+t (5-t)(1+1)

S1-t+(t-5)(t+1)=0 < -4t -5+11-t=0

t=2

St -5t+6=0 < )
t=3

Vay phuong trinh da cho c6 hai nghiém.
Cau 18: Pap an B.

Tacd: a* +b* =7ab < (a + b)2 =9ab , 1ay logarit co s 3 hai v€ ta duoc:

log, (a + b)2 =log, (9ab) < 2log, % =log,a+log,b

< log, % = %(log3 a+log, b)

Cau 19: Pap an B.

STUDY TIPS Ta ch: log. 7 = log,7 b b _ b
Thuec chat véi bai toan na(y, F 08 1Oglz 2 12 lOng 12- logu 6 1-a’
suy luan nhanh hon bam lo 12 L

may tinh va tht.
Cau 20: Pap an B.

Do ba tiép tuc gui 1ai vao roi tinh 1ai tiép:

Sau ndm thit nhat, s tién trong tai khoan ctia ba la: A.(l + %) =100 [1 + %)

2
Sau nam thit hai sO tién 1ai ba nhan dwoc la: 100.[1 + %j —100=14,49 triéu
dong.

Cau 21: Pap an D.
Diéukién: O<x=1x =9

log 3+1
Khi dé ta co: log3x:w
1-2log 3
11 +1 | .
+
<:>10g3x= 0g, X <:>]0g3x=% ©10g32x—310g3x—1=0_
1-p. 1 log, x-2
log,

Dbén day ta khong nhat thiét phai giai phwong trinh ra ma ta ap dung Viet ludn.
Khi dé: log, x, +log, x, =3 < log, x,x, =3 < x,x, =27.

O day ta dung cong thic Do ham s F (x) la mot nguyén ham cua ham s& f (x) nén:
dao ham ham hop:

(lnu)'z%’. f(x)=F'(x)=(ln(x2 +x+1))' :xzzi—:il .

Cau 23: Pap an D.

Do ta cé tinh chat sau:

Néu F (x) la mt nguyén ham cua ham sé” f (x) trén K thi v6i mdi hang s6'C, ham so’

G(x) = F(x) +C ciing la mt nguyén ham cua ham f(x) trén K.
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Do vay cong viéc ctia chting ta 1a di tim hang s§ C thoa man f (—1)=20.V$1y ta
co: J.(6x+1)2 dx =J.(36x2 +12x+1)dx =12x" +6x +x+C

Mit khac: F(-1)=20<-12+6-1+C=20 < C=27.

Khi d6: F(x)=12x" +6x" +x+27 . Vay a+b+c+d=46.

Cau 24: Pap an C.
Ta c6 khi lam tich phan ting phan ¢ bai toan nay ta dat:

ln(x+3)=u:du= dx; vdv=dx=>v=x.

X+
NPT . )
Vay khi do I_uva—jvdu.Do vay f(x)—

a

x
x+3

Cau 25: Pap an C.
Ta c6 thé tich khdi tron xoay sinh ra boi hinh (H ) duoc tinh bdi cong thirc:
1

1
V= njezxdx = I
0 2

Cau 26: Dap an B.
Xét phuwong trinh hoanh d9 giao diém: x* =mx < {x
x
Ta c6 cdng thtec tinh dién tich hinh phang:
T 4
S=||x* —mxdx==.V6i xe|0;m| thi f(x)<0
J[# = maftx = 3. Vi xe[05m] thi £(x)
(ap dung quy tac xét dau tam thiec bac hai “trong trai ngoai cing”) .

Khi do S= I(mx—xz)dx = [%xz _x_;]

m m’ 4

@—.mz ——0==—<=m=2.
2 3 3

m_
0

4
3
Cau 27: Pap an A.

Dé y ki ta thay do thi ham s8 (C) 1a db thi ctia mot duong tron o6 tam 1(1;0)
ban kinh R =2 nhu hinh vé.

Do vay hinh phéng giéi han béi d6 thi ham s (C ) véi truc Ox la ntta duong

tron tam I. Khi quay quanh truc Ox sé tao ra mét khoi cau tdm I ban kinh R=2.

Khido V =énR3 =é.23TC =2n (dvtt).
3 3 3

Cau 28: Pap an C.

Ta dat: x —1=sint < dx = costdt . Doi can:

x 1 2
t 0 z
2
> p 2
Vay 1= [0t gy [0St gy [ I
psin” t—1 0 —cos” t ) cost

Cau 29: Pap an A.
Ta c6 nghich dao cua s6 phtrc duoc tinh:

116 | Khai bao sach chinh hing tai: congphatoan.com dé nhan 100 dé thi thii ting kem



25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405
1 3-4i 3-4i 3-4i

3+4i (3-4)(3+4)) o (4if 25

Cau 30: Dap an B.

Do dé yéu cau tim phan thyc cua sd phtic z nén ta sé dat z=x+iy (x,y € R) ;

z'=x"+iy’ (x';y' € R). Khi do:

zz'+z22' =6 (x+ iy)(x'— iy')+(x —iy)(x'+ iy') =6

=N (xx'+ yy'+i(x'y—xy'))+(xx'+ yy'+i(xy'—x'y)) =6

©2(xx'+yy')=6 < xx'+yy'=3.

Ma xx'+yy' 12 phan thuc caa s6 phtic z.z' do d6 ta chon B.

Cau 31: Pap an B.

Ta chuyén mday tinh sang ché do tinh toan véi sO phtc, nhap

X? +(3-i)X~10+2i. Sau d6 &n CALC d€ thir cac gia tri ctia dap an. Khi d6 ta

thdy —5+i la nghiém ctia phuong trinh.

Cau 32: Pap an A.

Ta s& di biéu dién z dudi dang a+bi (a,b€R) d& tim diém biéu dién 6 phtic z.

Tacd z=(1-i) =8+8i (b4m may tinh dudi ché do tinh toan voi s8 phire MODE
:CMPLX)).

Khidoé M (8; 8) la di€m biéu dién s& phitc z = (1+i )7 .Do M nam trong géc phan

tu thie I)

Cau 33: Pap an A.

Tacod z=x+iy (x,yeR):;:x—iy, khi dé z.;:(x+iy)(x—iy)=x2 +y’ =4.

Cau 34: Pap an B.

Bai toan nay dé don gian héa thoi gian ta ciing stt dung may tinh nhw sau:

Chon 2 d&¢ may chuyén sang ch& d6 tinh toan bang sd phtrc. Sau d6 nhap

(1+i) =tadugckét quala -4-4i = chonB.

Cau 35: Pap an C.

Do d6 ta thay V, :laS =%a3=%.

LA'B'C'D' 3 *“A'B'C'D'
Cau 36: Pap an D.
*Ta c6 néu cat mat ndn tron xoay dinh O boi mat phang di qua dinh O, ta c6 cac
treong hop sau:
- M3t phang cat mat nén qua hai duong sinh.
- Mit phang tiép xtic v6i mdt nén theo mot dwong sinh.
- Mit phéang chi c6 mét diém O chung duy nhat véi mit nén, ngoai ra khong c6
mot diém chung nao khac.
* Néu cat mat nén trong xoay boi mat phang (R) khong qua dinh O thi ta c6 ba
treong hop sau day:
- Néu mét phang (R) cat moi dwong sinh ctia hinh nén ta dwgc giao tuyén la

mot elip (hoac dac biét la mot hinh tron) (hinh a).
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- Néu mit phang (R) song song v&i chi mot duong sinh ctia hinh nén ta duoc
giao quyén la mét parabol. (hinh b)
- Néu mgt phang (R) song song voi hai duong sinh phan biét cia mat nén ta

duoc giao tuyén la hai nhanh cta hypebol (hinh c)

a) b) c)

Céac duwong elip, hypebol, parabol thuwong duoc goi la ba dwong conic.

T cac li thuyét trén ta chon D.

Cau 37: Pap an B.

Ta ¢6 hinh tru nhw hinh vé.

Duong thang dam hon chinh 1a dwong sinh ciia mot hinh tru. C6 gidi han la cac
di€m nadm trén duong tron day, do d6 cac duong sinh tao nén mit xung quanh
ctia hinh try tron xoay la cdc doan thang.

Cau 38: Pap an A.

Ta c6 nhin hinh vé ta thdy khéi cau c6 duong kinh bang duong kinh ctia hai

duong tron ddy, va cling bang chiéu cao cuia hinh tru.

Vay ta co: V, =nR*2R=21R*; V, = %nR3 .

Cau 39: Dap an C.

Ta 6 hinh vé nhu bén. D€ tim dwgc dién tich xung quanh ctia méat cau ngoai tiép
t& dién SABC ta di tim tdm va ban kinh ctia médt cau. Do tam gidc ddy ABC noi
tiép duong tron duong kinh AD do vay trung diém O ctia AD chinh la tdm ctia
mat cau ngoai tiép tam gidc day ABC. Tir O ké OI vudng gdc véi mat phang
(ABC) (véiI thude SA). Khi d6 OI chinh 1a tryc dudng tron clia tam gide ddy
ABC.

Ta nhén thay OI chinh la dwong trung binh cua tam giac SAD. Khi d6 I 1a trung
diém cta SA. Vay duong trung truec ctia SA ¢4t IO tai I. Do d6 I 1a tAm ctia mit
cau ngoai ti€p t dién SABC. Khi d6 IA chinh 1a ban kinh day cia mét cau. Cong

viéc ctia ching ta la di tim d¢ dai SA (do Al = STA).
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Vi AD la duong kinh ctia duwong tron ngoai tiép tam giac déu ABC nén:

2 m/i 261\/7
2 3
Tam gidc SAD vudng tai D nén theo dinh li Pytago ta co:

2 2
SA® =/SD? + AD? =\/{2‘1ﬁ} +[%] =% :IA:%.

AD=20A=2—

3

2

Khi d6 dién tich xung quanh ctia khdi cau duoc tinh bang: S = 4nR? = 19—67151 .

Cau 40: Dap an C.
Ta thdy nhu hinh vé thi lwgng ruou con lai trong c6c ctia cu B4 la:

2
5 :l.ﬁ.n. E :inh.Rz.
32 2 24

Mit khéc thé tich cdc ban daula V = %nth. Khi d6 lwong ruou con lai so véi

1.
24°

=V,

luwgng ban dau la: % = = = %V (V, 1aluong ruegu da udng).

1
8

W=

Cau 41: Pap an B.

Ta c6 do mdt phang MNPQ vudng goc véi SA nén MNPQ song song véi mat
phéng ABCD. Mat khac M la trung diém ctia SA nén MN, MQ, QP, PN lan luot
la duong trung binh ctia cac tam giac SAB, SAD, SDC, SBC. Do d¢6 tt giac MNPQ

la hinh vuong c6 canh la %. Do d6 duong tron ngoai tiép hinh vudng c6 duong

kinh bang d6 dai duong chéo MP cua hinh vuong MNPQ, do d6

a\/El axf

R= TE =—".Khi d6 thé tich ctia khdéi tru can tinh la:
2
3
Van?MAzT{#] .a:%.

Cau 42: Pap an D.

Day la bai toan kha quen thudc. Khi quay tam giac quanh canh géc vudng AB thi
AB chinh la dwong cao ctia hinh nén, AC la ban kinh day cta hinh nén, va BC la
dwong sinh ctia hinh nén. Khi d6 dién tich xung quanh ctia hinh nén dwoc tinh
bing cong thirc: S =nR1 =maav2 = na®~2 .

Cau 43: Pap an D.

Ta lan luot xét ting dap an mot:

V6iB: MN = (—2,‘ —2,'1),' WQ = (0; 4;1) hai vecto khong cung phwong, do d6 B sai.
V6i C: MP = (1; -5; —2); NQ = (3; 1; —2) hai vecto khong cung phuong, do d6 C sai.

V6i D: MQ = (1;-1;-1); NP =(3;-3;-3) co: %:-%:‘—;, do dé ta chon D.

Cau 44: Dap an A.

Céch tim tich c6 huwéng ctia hai vecto trong khong gian bang may tinh t6i da gisi
thiéu cho quy doc gia & cac dé trudc, nén ¢ dé nay to6i sé khong trinh bay, va két
quala (-1,0;1).
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bén day nhiéu doc gia cd
thé chon luén C, tuy nhién
do ¢6 phurong an la dap an
khac nén quy doc gia phai
thte xem mat phang c6 di
qua A, B khong. Do d6 tht
lai ta thay khong di qua nén
ta chon D.

Cau 45: Dap an A.

Trudc tién ta c¢6 thé nhan thdy ro % = g = g # % nén hai mat phiang nay song

song voi nhau, ta ¢6 thé'loai B va C.
Tiép theo ta co: A(—l; 2,'1) , thay vao phuong trinh (oc) ta duoc: (—1) +22-31=0
Do d6 A thudc mat phang (B) nén ta chon A.
Cau 46: Dap an D.
Goi ﬁ; la vtpt ciia m4t phang (P)
Do (P) vudng goéc véi mit phang da cho nén np vuong goc voi n la vitpt ctia
mat phéng da cho. Mit khac (P) chtta hai diém A(O;O;—2), B(Z;—l;l) nén E
vudng géc véi AB.
Nén vtpt cta (P) dwoc tinh b??mg cOng thic: np = [ﬁ,Z.BJ = (—5,' —7;1)
Cau 47: Pap an D.
Mt cau (S) 6 tam 1(0;0;2), ban kinh R=4.
_[o+2.0+2-7) 0

Tac6 d(I;(P,)) o e =R=4

~ |2.0+7.0—3.2+6|

d(L;(P,)) e =0 =7, =R=4

Cau 48: Dap an A.
Lay M(2;-m;n),N(2;2-m;1+n)edkhi d6 M,Ne(P). Ta cé hé:

2m.2 —(-m)+mn-n=0 5m+mn—n=0 - m=2

2m.2—(2-m)+m(1+n)-n=0 6m+mn—n=2 n=-10
Vay m+n=-8.
Cau 49: Dap an B.
Phin tich: Nhan xét mat phang (AB C ) c6 phuong trinh G % + 221, (twong tu

a c
nhu cach viét phwong trinh doan chin, thi day la mat phéng cit cac truc toa dé.)
abc
Do dé: d(O;(ABC))= L Ll :
\/1+1+1 Ja? + 1% + ¢
a b

Cau 50: Pap an D.

Ta lan luot di xét titng ménh dé mot:

Véi A: Néu duong thang di qua E ma cat mat cau thi 16 rang khong phai tiép
tuyén cua mat cau (C )

V6i B: Ta c6 day 1a ménh dé sai do néu duong thang nam trong mat phang (P)
néu khong di qua E thi khong phai 14 tiép tuyén ctia (C).

V6i C: Ta thdy ro rang mat phang (P) tiép xtic véi mit cau (C ) thi khoang cach
tie tam [ dén diém M tuy y trén (P) déu 1én hon hodc bang ban kinh R.

Vay ta chon D.
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Cau 1: Cho ham s6 y = e +12
x —

Tim m d€ trén do thi (C,) <6 hai diém P, Q cch

6 dd thila (C,).

déu hai diém A(-3;4),B(3;-2) va dién tich t

giac APBQ béng 24.
=2
" B. m=2
m=2
C.m==-2 D. khong c6 m thoa man.

Céau 2: Choham s6 y = 2x+1

c6 d6 thi (C) va céc
x-1

diém M e (C ) sao cho tong khoang cach tit M dén
hai duong tiém can bang 4. Hoi c6 may diém M
thoa man.

Al B.2 C.3 D.4

Céau 3: Cho d6 thi ham s& (C):y:x4 —6x7 +2.
Tim nhan xét khong dung trong cac nhan xét sau?

A. D6 thi ham s6 ludn c6 ba diém cuec tri phan
biét khong thang hang.

B. Ham s6 da cho xac dinh va lién tuc trén R.

C. Db thi ham s da cho cd hai diém cuc dai va
mot diém cuc tiéu.

D. D6 thi ham s6 da cho ddi xting qua diém
A(0;2).

Cau 4: Tim m d€ ham so:
y=(m+1)x* =3(m+1)x* + 2mx + 4 dong bién trén
khoang c6 d6 dai khong nho hon 1.

A. me(-9;-1) B. me(-o5-9 (1)

C.m e(—oo;—9:| D. me(—oo;—9) u(—1;+oo)
Cau 5: Gia st ham s6 f (x) lién tyc trén khoang
(a;b) chita diém x, va c6 dao ham trén khoang
(a;xo) va (xo;b). Khi d6 ménh dé nao sau day
sai?

A. Néu f'(x) <0 véi moi xe (a;xo) va
f'(x) >0 voimoi xe (xo;b) thi ham so f(x) dat
cuc tiéu tai diém x, .

B. Néu f'(x) >0 véi moi x e(a;xo) va
f'(x) <0 véimoi xe (xo;b) thi ham so f(x) dat

cuc dai tai diém x,.

C.béhamsd f (x) dat cee tri tai x, thi ham s§
f(x) phai c6 dao ham tai x, .

D. Ham s f (x) van ¢6 thé dat cuc tri tai X,
néu khong ton tai dao ham tai x,.
Cau 6: Goi a la chiéu dai, b 1a chiéu rong cua hinh
cht nhat c6 dién tich 16n nhat noi tiép trong

duwong tron c6 ban kinh R cho trudc, khi d6 a, b cé

gia tri la:
A.a=b=R\2 B. a=RV3;b=R
C.a=£;b=R—\/ﬂ D.a=b=R3
2 2
x+1

Cau 7: Cho d6 thi ham s6 (C):y=———.
X +x-2

Trong cac két luan sau, két luan nao dang?

A. Db thiham s8 (C) c6 duy nhat mot tiém can
ding la x=-2 va mot tiém can ngang la truc
hoanh.

B. D6 thi ham s6 (C ) 0 hai tiém can dung la
x=-2va x=1 va moét tiém can ngang la truc
hoanh.

C. D6 thi ham so (C ) c6 mot tiém can ngang
la truc tung va hai tiém can dténg la x=-2 va
x=1.

D. Db thi ham s6 (C ) c6 mot tiém can ngang la
truc tung va mot tiém can ding duy nhatla x=1.

A e on o, mx+1
Cau 8: Véi gia tri nao ctia m thiham s6 y =

x-1
tang trén tirng khoang xac dinh?
A.m>0 B.m<-1 C.m>-1 D.m<0
Cau 9: Goi M va m lan lwot 1a GTLN va GTNN

ctia ham s6 y=xv1-x* trén tap xdc dinh. Khi d6

M —m bang:
Al B.2
C.3 D. dap s6 khac

Cau 10: Puong cao t6c mdi xay noi hai thanh phd
A va B, hai thanh phd nay mudn xay mot tram thu
phi va tram xang ¢ trén duong cao tdc nhu hinh
vé. Dé tiét kiém chi phi di lai, hai thanh phd quyét
dinh tinh todn xem xay tram thu phi ¢ vi tri nao

dé tong khoang cach tir hai trung tam thanh phd
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dén tram 1a ngan nhat, biét khoang cach tir trung
tam thanh pho A, B dén duong cao tdc lan luot la
la 60 km va 40 km va khoang cach gitta hai trung
tam thanh phd la 120 km (duoc tinh theo khoang
cach cua hinh chi€u vudng gdc cta hai trung tam
thanh phd 1én duong cao tdc, tic 1a PQ ki hiéu
nhu hinh vé). Tim vi tri ctia tram thu phi va tram
xang? (Gia st chiéu rong cua tram thu phi khong
dang ké).

A

Tram tha P | Tram xing
—_
N

B.42 km ké tir Q.
D. tai P.

A.72 km k€& tir P.

C. 48 km ké tir P.
Cau 11: Cho ham sé:

y=2x"=3(2m+1)x* +6m(m+1)x+1.

Khéng dinh nao sau day la dang?

A. V6i moi m, ham s6 ludn dat cuc tri tai x,;x,
va |x2 —x1| =1.

B. Toa d6 diém cyc dai thoa man phuong trinh
y=3x>+1.

C.Véi m=0 thi ham s& dong bién trén khoang
(0; 1).

D. Chi B, C dung.
Cau 12: Cho phuong trinh:

2
P x
1 -2) +1 — | =0.
og3(x ) 0g3(x2 —3x+3]

Tong cac nghiém cua phuwong trinh la:

A. 4 B. E C. E D.3
2 2
Cau 13: Cho log,2=4; log,5=0b , khi d6 log, 40
bang:
A.3a-b B.a+3b C.3a+b D.a-3b
Cau 14: Tim dao ham ctia ham s6 y = Zi :LZ’: .

N y'=2<ez" +ez;‘) B y'= 2 :
(e" +e’x) (ex +e”‘)
Cy'= 4 5 D. dap an khac

(e" +e" )

Cau 15: Tap xac dinh ctia ham s6 y =, | llnx +i la:
nx+

A. D= (e’z;+oo)

B. D= (e’l;+oo)

C.D= (O;e’ZJ U (e’l;+oo)

D. D= (—oo;e’z)u (e’l;+oo)

CAu 16: Dao ham ctia ham so:
y= (x3 + x)ln(x2 + 1) c6 dang:

A y'= (?)x2 +1)1r1(x2 +1)+2x2

B.y'= (3x2 +1)1r1(x2 +1)—2x2

Cy'= (?)x2 + l)ln(x2 + 1) +2x

D. y'= (3x2 + l)ln(x2 + 1)— 2x
Cau 17: C6 bao nhiéu gia tri nguyén cua m dé
phuwong trinh: log, (x + 2) +2mlog —3=16 6
hai nghiém déu 16n hon -1.

A.v0sO B. khong c6 m

C. 63 gia tri D. 15 gia tri
Céau 18: Cho ham s6 y=e¢ ™" (x —2) va cac phat
biéu sau:

I. Ham s 6 tap xac dinh 1a R.

II. Ham s0 dat cuc tiéu tai duy nhat mot diém
la x=3.

I1. D6 thi ham s6 cat Oy tai A, khi d6 duong
thang tiép xtic véi d6 thi ham s& tai A c6 hé s§
gocla 3.

A. chiIvall dang. B. chi II va III dung.

C.chilvalll dang.  D.CalL II, Il déu dung.
Cau 19: Diéu kién ctia m d€ bat phuong trinh
log, (2’Hl + 6) >m—x théa man véi moi x>0 la:
B. m<3
D. moi m.

A.m>3
C. khong ton tai m.

2x+42 —x+13
Cau 20: Bat phuong trinh 35+ > (5] c6 bao

nhiéu nghiém nguyén dwong?

A.6 B. 10 C.11 D. v0 s0.
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Cau 21: Theo s0 liéu tir Facebook, s6 luong cac tai
khoan hoat dong tang mot cach dang ké tinh tw
thoi diém thang 2 ndm 2004. Bang duwdi day mo ta
sO luong U(x) la s6 tai khoan hoat dong, trong do
x 1a s6 thang ké t&t sau thang 2 nam 2004. Biét s0
luot tai khoan hoat dong tang theo ham s6 mai xap
xi nhu sau: U(x)=A.(1+0,04)" véi A la s8 tai
khoan hoat dong dau thang 2 nam 2004. Hoi dén
sau bao lau thi so tai khoan hoat dong xap xi la
194 790 nguoi, biét sau hai thang thi s6 tai khoan
hoat dong 1a 108 160 ngwoi?

A.1ndm 5 thang. B. 1 ndm 2 thang.

C.1ndm. D. 11 thang.
Cau 22: Cho x =2016!, khi do:
1 1 1 1

- log, x ! log, x ! log, x log . X
A ¢6 gid trj bang:
A1 B. log 2016
C. 2016! D. khong tinh dwoc.
Cau 23: Phuong trinh:
log,” x=1log, x.log, (\/ﬁ - 1) 6 s8 nghiém la:
A.3 B.2 C.0 D.1

Cau 24: Ménh dé nao la sai trong cac ménh dé sau?

2 2
x“+6x+1 va G(x)= x°+10
2x -3 2x-3
la nguyén ham ctia cing mét ham s6.
B. Ham s& F(x) =5+2sin’*x va G(x)zl—cos2x

A.Ham so F(x) =

la nguyén ham ctia cing mét ham s6.
C. Ham s6 F(x)=vx* -2x+21a nguyén ham
x-1

\a? _2x+2

D. Ham s8 F(x)= siny/x 13 mot nguyén ham

ctia ham s f(x) =

cua ham s6 f(x) = cos/x.

Cau 25: Trong cac ham s6 sau:

IL f(x)= 2

cos? x

L f(x)=tan’x+2

I f(x)=tan’x+1
Ham s6 nao ¢6 mét nguyén ham la ham s6
g(x):2tanx?

AT IL III
C. I III

B.II, III
D.II, III

Cau 26*: Tinh thé tich vat thé tao dwgc khi 1ay giao

vuong gbc hai 6ng nudc hinh tru c6 cung ban kinh

day bang a.
3 3
A,y =108 B.v=2%
3
3
C. V:% D.V=d

Cau 27: Tinh dién tich hinh phéng dwoc gidi han
nhw hinh vé:

YA

4
x\
-2 (@] 2 i
A® g2 2 p2%
3 3 3 3

Cau 28: Cho hinh phang D dugc giéi han bai cac
duong y = tanx; x =0;x =§;y =0. Goi S la dién

tich hinh phang D, V 1a thé tich vat thé tron xoay
khi quay D quanh Ox. Chon ménh dé dung trong

cdc ménh dé sau?

A.S=In2, V= n[\/§+—J
B. S=In2, Vzn( 3——}
C. S=In3, V=n(x/§+ ]
D. S=In3, V= n( 3——)

Inm

Cau 29: Cho A= j
0

2dx-an. Khi d6 gia tri

cua m la:
A.m=0,m=4 B. m=2
C.m=4 D. m=0

Cau 30: Trong cac két luan sau, két luan nao sai?

A.Mb dun cta sd phtec z=a+ bi(a,b € R) duoc
tinh bang |z|=va* +b* .
B. Mb dun ctia s6 phttc z( v6i z 1a khac 0) 1a mot

s0 thuee duong.
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C. M6 dun cua s0 phtic z la mét s phic.
D. A va B dung.

Cau 31: Tim s6 pht'rc z théa man diéu kién:

1+31 | |
1+z
45 9 . 5 .
Z=————1 B. z=—+—"—1
26 26 26 26
C. z=45+9i D. -45-9i

Cau 32: Tim tAt cAd cdc sO thuc m biét

z:l_ va zz=""" trong dé i la don
1—m(m—21)
Vi ao.
=0 =0
= Bom=a c|"7" D.vm
m=1 m=-1
Cau 33: Cho s6 phtic z— z ,=6+71,dié’m nao
1+3i

sau day la diém biéu dién ctia s§ phtrc z?
A. M(0;1) B. N(1;1) C. P(-1,-1) D. Q(0;-1)

Cau 34: Cho hai s6 phtic z;z, thoa man

, 1 , hes 1o
iz, + \/5‘ =5 va z, =iz,. Tim gia tri nh6 nhat cua
biéu thirc |z1 - zz| .

A. 2—i B. 2+ L

V2 2

1 1
C-\f—ﬁ D.\/E+E

Cau 35: Duong ndi tam hai mat ké bén ctia mot
hinh 14p phuong c6 d6 dai 3v/2 . Thé tich ctia khdi
lap phuong nay bang:

A. 210 B. 210 C.214 D. 216
CAu 36: Cho t dién ABCD c6 thé tich khoi ABCD
bang 126, hai tam gidc ABC va ABD c6 dién tich
cung b%ng 21. M 1a mot diém thudc canh CD va
d,;d, Tan lwot la khoang cach tit M dén cac mat
phing (ABC) va (ABD). Vay (d, +d,) bang:

A. 18 B. 20 C.22 D. 24
Cau 37: Cho hinh vé:
Tam giac SOA vuodng tai O c6 MN| SO véi
M, N Tan luot ndm trén canh SA, OA. P4t SO =h
khong doi. Khi quay hinh vé quanh SO thi tao

thanh mot hinh tru ndi ti€p hinh nén dinh S ¢

day la hinh tron tam O ban kinh R=0A. Tim d0
dai cuia MN dé€ thé tich khoi tru la 16n nhat.

A MN=" §

2
B. MN="

3

M

c. MN="

4
D. MN="

6

O N A

Cau 38: Cho hinh ling tru tam gidc déu
ABC.A'B'C' ¢6 canh AB=a, goc gitta hai mat
phing (A'BC) va (ABC) bing 60°. Tinh theo a
thé tich t dién B' ABC va khoang cach tir B dén
mgt phang (AB'C).

a 23
A Vypwe=—g 4= B Vyye =—=id="
3
C.V I, i=2 D.v \@;d=&
BABC 4 4 BABC 4 8

Cau 39: Cho hinh chép S.ABCD c6 day la hinh
thang can ABCD v6i AB=2a, BC=CD=DA=a
va SA J_(ABCD). Mot mat phang qua A vudng
goc voi SB va cit SB,SC,SD Ian luot tai M,N,P.
Tinh dwong kinh khéi ciu ngoai tiép khoi
ABCDMNP.

=3

2

Cau 40: Cho hinh chép t¢ giac déu c6 canh day

A. a\/g B.a C. 2a

bang a va canh bén ciing bang a. Thé tich ctia khéi
nén ngoai tiép hinh chép la:

3 3
A T2 B. L
12 12
3
C. % D. Dap an khac.

Cau 41: Mot hinh 1ap phuong ¢ canh bang a. Thé
tich ctia khoi tru ngoai ti€p hinh 1ap phuong la:

3

A. i B. 4nd® c.% D. 2nd®

Cau 42: Xét mot hop bong ban cé dang hinh hop
chit nhat. Biét rang hop chira vira khit ba qua bong
ban dugc xép theo chiéu doc, cac qua béng ban co
kich thuwdc nhu nhau. Phan khong gian con trong
trong hop chiém:
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A. 47,64% B. 65,09%

C. 82,55% D. 83,3%
CAu 43: Mot chau nuwdce hinh ban cau béng nhom
cobankinh R=10 dat trong mot khung hinh hop
chit nhat (nhw hinh vé). Trong chdu chita san mot
khéi nuwée hinh chdm cau c¢b chiéu cao h=2 .
Nguoi ta bo vao trong chau mét vién bi hinh cau
bz‘?mg kim loai thi mdt nwdc dang 1én vira pha kin
vién bi (nhu hinh vé). Cho biét cong thtrc tinh thé

tich ctia khdi chdm ciu hinh cau (O;R) c6 chiéu

caohla: vV, = nh? {R - gj , ban kinh ctia vién bi:

A r=1 B. rzl
2
C.r=15 D. Dap an khac.

Cau 44: Phuong trinh chinh tic cia duong thang
di qua A(1;4; —7) va vudng goc véi mat phang
x+2y-2z+3=0 la:

A x-4=y-1=2z+3 B.x—l:y—_4=_z_7
2 2
- -4
C.x—lzy—4zz+7 D.x—l:y_zz+7
4 2 2 —4
A i Y \ 2 x y+1 z-2
Cau 45: Biét rang duong thang d:T:_lz ]

1a tiép tuyén cua mt cau tam I(1;3;5). Ban kinh
7 cia mat cau co do dai la:

A4 B4 C77 D7
Cau 46: Goi (B) la m3t phang song song véi mat

phang (oc):Sx—2y—z+5=0 va chita duong

thang d: X—2_ yIS =Z;4. Khoang cach gitta
hai m4t phang (oc) va (B) la:
A2 B~ C> D

14 Ji4 14 m

Cau 47: Cho tam giac ABC véi A(O;—l;2),

B(3;0;1), C(2;3;0) va hai mat phéng
(P):x+2y+z—3:0 ; (Q):Zx—y—z+3:0.GQi

H la truc tam tam giac ABC. Goi A la giao tuyén

cta (P) va (Q), khi c6 mat phing (OL) di qua H
va chtta A c6 phuong trinh:
A. 7x+19y+10z-30=0
B. 7x+19y +10z+4=0
C.10x+7y+19z2-30=0
D. 10x+7y+19z2-4=0
Cau 48: Trong khong gian véi hé toa do Oxyz, cho
mit cau (S):(x-1) +(y-2) +(z-3)'=9 va
X-6_y-— 2 _z-2
-3 2
cac phuong trinh mgt phang (P) di qua

duong thang A: . Viét tat ca

M(4; 3;4) , song song v6i duong thang A va tiép
xtic v4i mat cau (S) .

2x+2y+z-18=0
2x+y+2z-19=0

A. 2x+2y+z-18=0 B.
C. 2x+y+2z-19=0 D.Khong ton tai (P).
Cau 49: Cho A(0;2;-2),B(-3;1;-1), C(4;3;0) va
D(1;2;m). Tim m d€ bén diém A,B,C,D dong
phang.
Mot hoc sinh giai nhw sau:
Budc 1:
AB=(-3;-1;1); AC=(4;1;2); AD =(1,0;m +2).

|

-1 1
1 2

1 -3
2 4

-3 -1
4 1

7 7

Budc 2: [E,RJ = U

=(-3;10;1).
[E,A—C].ﬁ:3+m+2:m+5.
Budc 3: A, B, C, D déng phang
@[ZE,Z@].ZB=O e m+5=0.

Déap s6: m=-5.
Bai giai trén dung hay sai? Néu sai thi sai & budc
nao?

A.Pung B. Sai ¢ budc 1.

C. Sai & budc 2.
Cau 50: Cho

D. Sai 6 buéce 3.
A(2;0;0),B(0;2;0),C(0;0;2),
D(2;2;2). Mt cau ngoai tiép tir dién ABCD c6
bén kinh la:

NG
B. 3 C.> D=

A.3
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STUDY TIPS
Nhiéu déc gia quén diéu
kién d€ hai nghiém khac
-2 nén dén cudi chon ludén
A la sai. Hay ludn nh¢ diéu
kién d€ mau s6 khac 0.

STUDY TIPS

Ta thdy do dé bai lién quan
dén hai duwong tiém can do
d6 ta sé tim nhanh cac
dudng tiém can bang cach
nham nhanh ma t6i da gidi
thiéu cho quy doc gia ¢ cac
dé trude.

PAP AN
1B 2D 3C 4B 5C 6A 7B 8B 9A | 10D
11A | 12B | 13C | 14C | 15C | 16A | 17D | 18C | 19B | 20B
21A | 22A | 23D | 24D | 25A | 26A | 27A | 28B | 29C | 30C
31A | 32C | 33B | 34A | 35A | 36A | 37B | 38B | 39C | 40A
41C | 42A | 43A | 44B | 45A | 46B | 47A | 48C | 49C | 50B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an B.
Phan tich: Ta nhan thdy dé bai kha phtic tap va rac rdi, tuy nhién ta c6 thé nhan
thdy nhu sau. Do P, Q la hai diém phan biét va cach déu hai diém
A(—3;4),B(3; —2) ,nén P, Q nam trén duwong trung triec ciia doan théng AB. Khi

d6 ta sé viét duwoc phuong trinh duong thang PQ khién cho viéc tham s3 hoéa P,
Q trd nén do phtc tap hon, lac nay khi tham s6 héa P, Q ta sé ¢6 hai an la hai
hoanh d¢ cuia P, Q ( v6i hai hoanh d6 la hai nghiém cta phuong trinh hoanh d6
giao diém). Khi da tham s hoa duoc PQ r6i ta thay dé cho dién tich t& gidac APBQ
do d6 ta di tim mdi lién hé gitra toa d¢ hai diém P, Q va dién tich t& giac. Tanhan
thay ngay t gidc cd hai duong chéo vudng goc, ticla S=AB.PQ do vay két hop
véi dinh li Viet ta sé tim dwoc m.

Loi gidi chi tiét:

Ta viét duoc phuong trinh PQ: qua I (0;1) la trung diém ctia AB va c6 vtpt 1a
AB, khi d6 PQ:x—y+1=0.
Xét phuong trinh hoanh d9 giao diém gitta duwong thang PQ va db thi (Cm) :

mx +2

Sextlemi+2=x" -1 (vi x#1) < x* —mx—-3=0(*)
x_

A>0

D¢ duong thang PQ cat (C,) tai hai diém phan biét khéc 1 tic la
" m+2#0

oSmzE-2.

Khi do: P(xl;x1 +1);Q(x2;x2 +1) :>PQ=,/2(x2 —xl)2
Ta co: S=24<:>3\/§4l2(x1 —x2)2 =24 c:>(x1 +x2)2 —4xx,=16

Ap dung Viet véi phrrong trinh (*) ta duoc:
m=2

Sm=2.

m* +12-16=0 c{
m=-2

Cau 2: Pap an D.

D6 thi ham s6 co tiém can ngang y =2 va tiém can déng x=1.

o s 3
Gia s M(xo;yo),khldo M[x0;2+x0_1].

Khoang cach tir M dén tiém can dung sé la |x0 - 1|.
3
_ 1| )

Khoang cach tir M dén tiém can ngang sé la |yo - 2| = |
0
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STUDY TIPS
Nhiéu doc gia sé quén
truong hop m>-1 va sé
chon C.

3
o 1]
thoa man phu thudc vao s6 nghiém ctia phuong trinh nay. BAm mdy tinh ta thay
X, —1=1
lx, —1=3

Khi do [x, ~1|+ =4 &lx, 1 ~4fx, ~1+3=0. Nhan thdy s§ diém M

. Vay sé c6 bon nghiém thoa man, tic la bon diém M.

Cau 3: Pap an C.

Ta xét phuong trinh y'=4x" —12x=0 ludn c6 ba nghiém phan biét do d6 A
dung, B dung do ham s6 1a ham da thirc luén xac dinh va lién tuc trén R.

Ti€p theo dén nhan xét C thi ta nhé lai bang dang d6 thi ham s6 ma t6i da nhic
nhiéu lan cho quy ddc gia ¢ cac dé trudc, véi ham trung phuong bac bon c6 hé
sO0 a=1>0 va phuong trinh y'=0 c6 ba nghiém phan biét thi d6 thi ham sd c6
dang cht W (day chi 1a meo nhé chit khong phai d6 thi c6 dang dung 1a cht W),
ttec 1a o hai diém cuc tiéu va mot diém cye dai. Vay C sai.

Cau 4: Dap an B.

Ta c6 d€ ham s dong bién trén khoang c6 d6 dai khong nho hon 1 tiec 1a ta can
di xét ting treong hop hé s6 a=m +1 16n hon hay nho hon khong, tir d6 tim
cac khoang don diéu, va xét phuong trinh y'=0 tit d6 tim ra ma&i lién hé gitra
hoanh d¢ cua cac diém cuc tri cua d6 thi ham s6 véi cac khoang don diéu.
Trudc tién: y'=3(m+1)x* —6(m+1)x+2m.

Véi m=-1 =y'=-2<0 (loai).

V6i m>-1.Khidohésd a=m+1>0 ticla do thi ham s6 hodc khong cd cuec tri,
tiec 1a ludn dong bién trén R, hodc 1a d6 thi ham s6 ¢6 dang cht N, khi d¢é ham
s0 ludn cd khoang dong bién ¢ do dai 16n hon 1 (théa man).

Véi m<—1, thi yéu cau ctia bai toan sé tro thanh y'=0 c6 hai nghiém phan biét
thoa man |x1 —x2|21. Li giai diéu nay la do a=m+1<0, lGc nay néu y'=0 vo
nghiém thi khong thoa man yéu cau dé bai, nén phuong trinh y'=0 phai luén
6 hai nghiém phan biét x,;x,, tic la lic nay ham s6 sé dong bién trén (x1 ;xz)

< phuong trinh y'=0 ludn c6 hai nghiém x,;x, thoa man |x1 - x2| =1

A':9(m+1)2—6m(m+1)>0

At 2
(x1+x1) —4xx, 21
(m+3)(m+1)>0
= 8m >0 @{Ziii@mﬁ—&

Két hop véi TH2 thi me (—oo;—9:| U (—1; +oo) .

Cau 5: Pap an C.

Ta lan luot xét titng ménh dé mot:

Taco: f '(x) doi dau qua x, tiecla x, la di€ém cuee tri ctia ham s6, va:

- Néu f'(x)<0 véi moi xe(a;x,) va f'(x)>0 véi moi xe(x,;b) thi ham s§

f (x) dat ciec ti€u tai diém x, .
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STUDY TIPS

Nhiéu déc gia khéng phan
biét dugc phuong trinh cta
truc tung va truc hoanh dan
dén sai, néu khong nhd,
hay th vé truc toa d¢ ra khi
dé ban sé xac dinh dwoc
mot cach rd rang phuwong
trinh ctia cac truc toa do.

- Néu f'(x)>0 véi moi xe(a;xo) va f'(x)<0 véi moi xe(xo;b) thi ham s6
f (x) dat cure dai tai diém x,,.

Vay A, B dung.

Vi C ta ¢6 10 rang v6i ham s6 y =\/972 , ham s6 dat cuc tiéu tai x=0 nhung

khong c6 dao ham tai x =0, do d6 C sai.
Cau 6: Dap an A.

Dit AB=x (0<x<2R).Tacé BC=v4R* —x*. Khi d6 S=x4R* —x* .

Ap dung bdt Cauchy cho hai s§ duong ta co:
2
xAJ4R? — % =2R? .

Dé’ubz‘?mgxéyrakhix=\/4R2—x2c>x=R\/§.T1'rclé a=b=Ry2.

Cau 7: Pap an B.

Tacé D=R\{-2;1}

. x+1 <1 x+1

lim ————=-0 va lim—————=+w.

2 x" +x—2 oI X" +x -2

Do d6 x=-2 va x =1 la hai tiém can dting cua d thi ham s& (C). Tir day ta c6

théloai A va D.

7+7
. x+1 . X X \ A A 2 AVN . \ ~
lim =lim =0 =y =0 la tiém can ngang ctua do6 thi ham so.
2
o xS 4 x =2 1 2
1+=-—
X o x

Ma y =0 la truc hoanh cta d6 thi ham s6, do d6 B dung.
Cau 8: Pap an B.
DPaéy chi la cach hoi khac ctia dang bai tim m d€ ham s6 dong bién trén ting

khoang xac dinh.

— 12 dé€ ham s6 dong bién trén tirng khoang xac dinh thi —m-1>0

Tacod y'=
(x-1)

o m<-1.

Cau 9: Dap an A.

D =[-1;1], khi d6 d& tim GTLN, GTNN ctia ham s& trén tap xac dinh thi ta im
cac gia tri lam cho y'=0 va y' khong xac dinh, sau d6 so sanh cac gia tri ctia

ham s tai cac diém dé vdi nhau va vdi diém dau muit d&€ két luan GTLN, GTNN.

y'=0=vl-x" - 2 = =1-Y e —l Sx=t—r

V1-2x2 f

el 2y e

Max{f(—%j;f{%j;f(—l);f(l)}=% >M-m=1.

Cau 10: Dap an A.
Vé lai hinh vé thi ta c6 hinh vé don gian héa nhu bén.
Thuce chat bai toan tré thanh tim x 3¢ AC + BC nho nhat.
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STUDY TIPS
Vi bai toan nay nham con
nhanh hon bdm may tinh,
nén hay ren luyén tu duy
dé€ cd thé tiét kiém thoi gian
khi can thiét.
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Theo dinh 1i Pytago ta cé:

AC =\60" + x* ;BC=\/(120 —x)" +40> =/* - 240x + 16000

Khi do: f(x) = AC+BC =" +3600 ++x" ~240x +16000; Ta can tim Min f (x).

X x—120
= +
Jx? +3600  Vx? —240x + 16000
bang cach nhap vao man hinh biéu thic f (x) va &n [SHIFT] SOLVH va chon

, khi bAm may tinh nham nghiém

Ta co: f'(x)

mot s§ nam trong khoang (0,' 120) d€ do nghiém, nhw t6i nhap 2 may nhanh
chong hién nghiém la 72.

Bam mady tinh stt dung ntit TABLE ta nhan thdy phwong trinh c6 duy nhat mét
nghiém nay do f '(x) chi d6i dau qua 72. Khi d6 ta c6 bang bién thién sau:

x 0 72 120
fx) - 0 +
Min

Vay tr d6 ta c6 thé kétluan CP=72.

Cau 11: Pap an A.

Ta thay tat ca cac phuong an déu lién quan dén cuc tri, do vay trudc tién ta xét
phuong trinh 6x% —6(2m+1)x +6m(m+1)=0 < x* —(2m+1)x+m(m+1)=0.

A :(2m+1)2 —4m(m+1)=1>0, phuong trinh ludn c6 hai nghiém phan biét

X, ;X

17

Véi A: Ta 6 |x, —x|=1e(x, +x,) —4xx, =1 o (2m+1) —dm(m+1)=1

2

(ludn thoa man). Vay dap an A dung.

Cau 12: Pap an B.

Do dé bai yéu cau tim tong cac nghiém ctia phuong trinh nén:
Diéu kién: x = {0;2}

2
x x(x—2) 1
PT < lo x=2) ——— =log.1 <log, |[———|==log.1
g3[( )Ex2—3x+3]] & 8ol 3xe3| 20
x=3
x(x—Z) X2 —2x=x>-3x+3

— =] & <Slx=1.
x?=3x+3 2x—x*=x*-3x+3 3
x==

2

Céau 13: Dap an C.
Ta c6 thé dung may tinh d€ thir tiing ddp an mét, tuy nhién t6i gidi thiéu cach
phan tich nhdm nhw sau:
log, 40=1log, (2°5) =3log, 2+log,5=3a+b.
Céu 14: Dap an C.
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STUDY TIPS
Nhiéu déc gia quén diéu
kién x>0. Ttr d6 chon D la
sai.
Nhiéu doc gia lai quén diéu
kién Inx = —1.Nén chuy co
du cac diéu kién.

Ta c6 cong thirc [E]
v

Khi d6 4p dung vao day ta duoc:

[ex_ex} (e =) (e +e) (e =) (e +e )

X —X ) _\2
e +e (el +e ")
X + —X 2 _ X _ -X 2
e’ +e e’ —e ~ 4
(ex +e™* )2 (ex +e" )2

Cau 15: Pap an C.
O day co hai diéu kién d€ ham sd xdc dinh, d6 la diéu kién dé loganepe ton tai

va diéu kién dé€ can thitc ton tai.

Inx#-1 <{xze!
Inx>-1 x>e
Inx<-2 chez

Cau 16: Dap an A.

Ta co: ((x3 + x)ln(x2 + 1)) = (x3 +x)'.lr1(x2 + 1)+ (x3 +x).(lr1<x2 + 1))

x>0 x>0
{O<x£e2
o
1

x>et

2x
22 +1

=(3x2 + 1).111(x2 - 1)+ (x3 + x). :(Bx2 + 1).1r1(x2 - 1) +2x7

Cau 17: Pap an D.

bK: x>-2;x#-1.

Ta nhan thdy c6 thé dua vé bién chung d6 1a log, (x+2), do d6 ta bién déi nhu

1 4m
sau: PTc>logs(x+2)+2m.T.log(X+2)3:16 <:>log3(x+2)+m—l6:0

2
Dat t =log, (x+2) khi d6 phuong trinh trd thénh:t+4Tm—l6 =0
< #*—16t+4m=0 (*) (do x+2 =1 nén t#0)

Méitchotamétnghiém x>-2;x#1.Honntta x>-1 < x+2>1 < t>0. Vay

bai toan tré thanh tim m d€ phuwong trinh (*) c6 hai nghiém duong.

A=64-4m>0
<15=16>0 s0<m<l6.
P=4m>0

Vay c6 15 gid tri cua m thoa man.
Cau 18: Pap an C.
Ta lan luot di xét tirng ménh dé mot,
Ta thdy ham s6 ¢ tap xac dinh D =R. I dung.
y'=—e" (x—2)+e"‘ =0 e (3—x):O < x=3.
Ta thay f (x) déi dau tir dwong sang am qua x =3 nén ham s6 dat cyc dai tai

x=3.1II sai
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Dén day ta khong can xét &én ménh dé 1T nita ma van c6 thé két luan duoc dap
an C. Do tdt ca cac phuwong an con lai déu c6 II.

Cau 19: Dap an B.

O bai todn nay ta sé di tim nghiém ctia bat phuong trinh theo m.

Bét phuong trinh < log, (2’”1 + 6) +x>m

&log, (2 +6)+log, 2* >log, 2" <27 (27 +6)>2" <227 +6.2">2".

Dit 2* =¢(t >1)(do x >0). Khi d6 bat phuong trinh tré thanh: 2. +6.t >2" .
Xét ham s6 f(t)=2t2+6t trén (1;+oo) co: f'(t)=4t+6=0<:>t=_z6§£(1,‘+oo)

Ta c6 bang bién thién sau:

t 1 +00

f® +

[CA /

bé bat phuong trinh thoa man x >0 véi moim thi 2" <8 @ m<3.
Cau 20: Pap an B.
DK: x#5

+00

2x+2

B4t phuong trinh < 35+ >3 & 25x 2, 2(x-13)
-x

V6i x <5 thi < 2x+2>2(x-13)(5-x) < 2x+2+2(x-13)(x~5)>0

>11
©2(x* ~18x+65)+2r+220 < 20* ~34r+13220 x<6
X

Két hop vdi x <5 thi co 4 nghiém nguyén dwong thoa man.

Vi x> 5 thi < 2x+2<2(x-13)(5-x) < 2x° -34x+132<0 o 6<x <11

Két hop vdi x > 5 thi cd 6 nghiém nguyén dwong thoa man.

Két luan: c6 10 nghiém nguyén duong thoa man.

Cau 21: Pap an A.

Do dé da cho cong thirc tong quat va cd dir kién la sau hai thang so tai khoan
hoat dong la 108 160 nguoi. Do d6 thay vao cong thirc tong quat ta sé tim duwoc
A. Khi dé:

A(1+0.04) =108160 < A =100000.

Khi d6 cong viéc ciia ta chi la tim x sao cho 100000(1 + 0.04)x =194790

194790
1+0.04) 100000
Cau 22: Pap an A.
Phdn tich: Nhin thoat qua thi thdy bai toan khd la cong kénh, tuy nhién day lai
1
log, a

Sx= log( ~17 hay 1 nam 5 thang.

la mot bai toan kha 1a don gian dya trén tinh chat sau ctia logarit: log, b=

voi 0<a#1;,0<b=1.
Vay thuc chat khi d6: A=log_2+log 3+log 4+..+log 2016
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Dbén day ta nhd dén tinh chét sau cua logarit:

log, x +1log, y=log, xy voia, b, x, y théa man diéu kién ton tai cuia logarit.
Vay A=log, (2.3.4..2016) =log, (1.2.3.4..2016) =log, 2016! =log, x=1
Cau 23: Dap an D.

Diéu kién: x e (0; +oo)
STUDY TIPS
Ta thay rd bai toan nay ta Do & VP la logarit co s0 2, do vay ta sé bién d6i logarit & VT vé logarit co sd 2.
khéng thé dung phuong 1
phép tht timg dap én duoc Phuong trinh < E.logz2 x =log, x.log, (\/x +1- 1)
vi dé bai yéu cau phai tim
% +2%,, dovaytaphaigiai llog22 x —log, x.log, (\/x 1- 1) =0 < log, x(llog2 x —log, (\/x +1- 1)} =0
tieng buwdc mot bai toan 2 2
nay.

log, x=0 x=1

g logzﬁzlogz(\/H—l) C>|:\/;+1:\/m(*)

()@ x+1+2Jx=x+1 < x=0(ma x>0 loai)

Vay phuong trinh c6 mot nghiém.
Cau 24: Dap an D.
Phén tich:

- Vi ménh dé A: Ta 6 f(x)=F'(x) =(%j
P

(2x+6)(2x—3)—2(x2 +6x+1) 222 —6x =20

(2x-3) (2x-3)
2x(2x-3)-2(x* +10 6
G'(x):[x2 +_10J.: x(2x-3) (2x +10) _ 2% —6x 220.VéyAdl'mg.
2x-3 (2x-3) (2x-3)

- V6i ménh dé B ta co:

f(x) = F'(x) = (5+251r12 x)' = 2.2.(sinx)'.sinx =2.2.cosx.sinx = 2sin2x
G'(x):(l—COSZx)' :(ZSinzx—l)' =2.sin2x.

Vay B dung.

- V6i ménh dé C:

F(x)=(6(x)) =+ ~2x+2) :%. Day 1a ménh dé ding.

Vay ta chon D.
Cau 25: Pap an A.
Ta co f(x) la nguyén ham cua ham s6 g(x), tic la f'(x) = g(x),
Voi I: f'(x) = (tan2 x +2)' =2.tanx.

2
cos” x

VGill: f'(x)= ( j‘ = 2(1+ tan’ x)' =22.tanx =4tanx.
Voi III: f'(x) = (tan2+1)' =2tanx.
Cau 26: Dap an A.
Day 1a bai toan kha triru tuong va kho tudng tugng, co thé coi day la bai toan
dat diém tuyét d6i trong dé nay, truede khi lam bai todn nay toi xin cung cap cho
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quy doc gia moét kién thiee da hoc & phan II, Bai 3, chwong III (trang 117) sach

gido khoa giai tich co ban nhu sau:

b
Ta thira nhan cong thiee: V = [S(x)dx  (¥)

Trong d6 S(x) la dién tich cua thiét dién cua vét thé V. Thiét dién nay vudng goc
voi truc Ox tai x € [a; b] v&i a, b 1a cic can ting v6i hai mat phiang song song va

vuong goc vai truc Ox, gidi han vat thé V.

Viéc nam viing cong thirc (*) giup quy doc gia co thé tich duoc thé tich cua vat
thé ma dé bai da yéu cau, cu thé nhu sau:

Ta sé gén hé truc toa d6 Oxyz vao vat thé nay, tic 1a ta sé di tinh thé tich vat thé
V gidi han boi hai mat tru: x* +y? =a? va X +2° =a’ (u > 0) .

Hinh vé& bén md ta mot phan tam thir nhat ctia vat thé nay, véi mdi x e[0;a],
thiét dién cua vat thé (vudng goc voi truc Ox) tai x la mot hinh vuéng ¢ canh
y =+a’> —x* (chinh 1a phan gach chéo téng hinh vé).

Do d6 dién tich thiét dién sé 1a: S(x) =vVa* —x* Na’ —x* =a’ —=x* xe[0;a].

Khi d6 4p dung cong thire (*) thi thé tich vat thé can tim sé bang;
a a 3
V= SIS(x)dx =8j<a2 —xz)dx = 8[a2x—%]
0 0

Cau 27: Pap an A.
Do dién tich hinh phéng da duoc thé hién 10 trén hinh nén ta da xac dinh duoc

a_16a’
0o 3

can ro rang, do vay ta xac dinh duoc: Pay la dién tich hinh phéng dwoc gidi han
2

boi d6 thi ham s y =4—|x| va parabol y = %

S= j( x——jdx+j[4+x—72jdx

¥ 1 )2 X
=|4x———-—x +| dx+———
2 6 0 2 6

Cau 28: Dap an B.
Ta c6 dién tich hinh phang duoc tinh bang cong thiic:

0 14 14 28

2 3 3 3

S= jii tanxdx = }sinxdx:_} 1 d(cosx) :—ln|cosx|g=—ln cosE +ln|cosO|
0 ) COS X 0 cosx 0 3

:—ln1:1n2

Thé tich vat thé tron xoay duoc tinh bdi cong thirc:

T

1 —
-1 - _
(cosz " jdx n(tanx x)(:—)’,

V=n|tan® xdx ==

O w3
S e ]

T T Y
=ntan=—Z _tan0+0 |=n|/3-Z|.
TC[ an3 3 an J TC( 3]

Cau 29: Dap an C.
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STUDY TIPS
Cht y nhiéu doc gia quén
diéu kién cta Inm xé&c dinh
tieccla m >0 nénkhong loai
m=0 vachon A la sai. Dap
anphailaC

Ta sé tim tich phan dé theo m tit d6 tinh m nhu sau

Tef—izdx - 1!% =In|e" -2| an =In|e"™” ~2|~In|e" -2

:ln|m—2|—ln1 :ln|m—2|
m-2=2 {m=4
=

Khi d6 In|m-2|=In2 <
2-m=2 m=0
Cau 30: Bap an C.

Theo dinh nghia sach gido khoa ta co:

Gia st s0'phikc z = a+Dbi duwgc biéu dién béi diéin M(a;b) trén mit phing toa dg.
D¢ dai vecto OM dwoc goi la mé dun cua s6 phiec z va ki hiéu la |z|.VL_iy

|z| = ‘W‘ =~a* +b*

i:ara ZiConda
Sierde 4l ra+bi

CMPLZ @ Math A
i%-(1+43i)ConJal,
1+i
0

STUDY TIPS
Vi z dang con rét phc tap,
dic biét 1a duwdi mau do d6
chiing ta nghi ra viéc lam
don gian n6 vé dang chuan

z:a+bi(a,beR), sau do

tim dwoc z va thay vao

biéu thtrc z.z.

Twr day ta suy ra A, B dung. Vay dap anla C.

Cau 31: Dap an A.

Cdch 1: St dung may tinh fx-570 VN PLUS.

Nhép biéu thiic trén vao, luu y:

+ D& biéu dién md dun s6 phtec ta nhap SHIFT Abs

+ D& bidu dién z trén mdy tinh cam tay ta an SHIFT 2 (CMPLX) may sé hién
nhu hinh bén.

Chon 2: Conjg 1a biéu dién s6 phitc lién hop ctia s6 phtic.

Vay biéu dién biéu thitc nhw sau:

CMPLZ B Math A B3 C c'MPlz( K] 2 Mi% 4
iX—(143i) Conia( LI LEL sy
F 1+i e i

Sau d6 CALC r6i nhap ting gia tri vao: Thit vao ta duoc A la dap an do két qua
bang 0, may hién nhu hinh bén.

Cdch 2: Nhan thdy & day mau s dang ¢ dang s6 phtc, do d6 ching ta sé& van
lién hop dé€ bai toan tro nén don gian hon.

iz—(1+3i)z ~a—4b+(b~2a)i

Goi z:a+bi(a,beR). Ta co: _ :|z|2<:> : =a* + b
1+ 1+1
—a—4b+(b-24)i](1-i
<:>[ ‘ + a)l]( Z)=az+bz <:>—3a—3b+(5b—a)i:2(a2+b2)
2
a=b=0
50—a=0 a=5b a:_ﬁ
T\ 3a-30=2(a* +1?) ©{26b2+9b=0© e
"%
Vay ta chon A.
Cau 32: Dap an A.
i (1= m)(1-m* —2mi)

Tacéd: z= —= >
Lom(m=2i) (152} +am’

—m(l—m2)+2m+i(1—m2 +2m2) _m(1+m2)+i(1+m2)

(1+m) (1w
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m i - m i
= ;T ; —ZF 2 2
1+m 1+m 1+m 1+m

Nhu vay: zz= 2 = s=——(m
2 (m2 +1) 2

1 m=0

& — =—l(m—2) om’ -2m*+m=0=
m-+1 2
Cau 33: Dap an B.

Cdch 1: Ta c6 thé tir cac diém biéu dién ma suy ra dugc s6 phttc z nhu sau:

m=1

Phuwong dn Ala z=i

PhwongdnBla z=1+i

Phwong dn Claz=-1-i

PhuwongdanDla z=—i

Vay tuong tu nhu Cau 31, ta sé nhap biéu thitc va CALC dé€ chon dap an. Tt d6
ta ciing chon dwoc B

Cdch 2: Cach lam thong thuong:

Goi z=a+bi (a,beR). Khi d6 phuong trinh da cho tré thanh:
asbi_6+7i o (a-bi)(1-3i) 6+7i

1+3i 5 10 5

< 10a+10bi —a+3b+i(b+3a)=12+14i < 9a+3b+i(11b+3a)=12+14i

9a+3b=12 a=1 .

= = =z=1+1.
11+ 3a=14 b=1

Cau 34: Pap an A.

Bai todn nay, thuc chat 1a dua trén kién thiec “Biéu dién hinh hoc s§ phitc”. Ta

a+bi—

thdy néu dat z, =x, +y,i (xl;y1 GR).

Khi d6 diém M (x,;y, ) 1a diém biéu dién s& phtic z, thoa man:
, 1 2 1
ix, — vy, +\/E‘:§ =% +(y1 —\/5) =7

Suy ra tap hop cac diém M bidu dién z, 1a dudng trong (C ) co tam [ (0; J2 ) va

‘i(x1 +y1i)+\/§‘:% o

bén kinh R=—.

Khi d6 néu N 1a diém biéu dién ctia s8 phic z, thi viéc im GTNN cua |z, -z, |
la viéc tim GTNN ctia MN.

Theo dé thi z, =iz, =—y, + x,i = N(-y,;x, ) la diém biéu dién z,.

Ta nhén thdy rd rang OM.ON = —x,y, +x,y,=0 =OM LON.

Dé nhan thdy: OM =ON =,/x;> +y,

Ta c6 hinh vé bén.

Do OMN la tam giac vudng can tai O nén MN = OMA2 , do dé d€ MN nho nhat
thi OM nhé nhat. Dé thdy, OM nho nhatkhi M =M' (M’ 1a giao diém ctia OI véi

dwong tron nhu hinh vé) Ticla M [0;\/7 - %] .

Khi d6 MN=OMx/E=[\/_—%]\/§=2—%.
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Cau 35: Dap an D.
Ta c6 hinh vé bén dé quy ddc gia c6 thé hinh dung rd hon.

Ta nhén thay: khi nhin vao hinh vé thi rd rang duwong ndi tam chinh 1a duong
trung binh cta tam gidc cé day la duong chéo ctia mat bén nhu trong hinh vé.
Do vay dd dai duong chéo chinh bang hai lan d6 dai cia duong néi tam da cho,
tic la 6\/5 . Mat khac d6 dai dwong chéo br?mg \/5 lan d6 dai cta canh hinh lap
phuong, do d6é do dai canh hinh lap phuwong c6 d6 dai: 6.

Khidé V =6 =216.

Cau 36: Dap an A.

,,,,,,,,,,,,,,,,,,,,,,,,

Taco: V,ep = Vise + Viaso =%(az1 +d,).21=126 =(d, +d,)=18.
S Cau 37: Dap an B.

Ta thay khi quay quanh truc SO sé tao nén mot khéi tru nam trong khdi chép.
Khi d¢ thiét dién qua truc ctia hinh tru la hinh ch nhat MNPQ. Ta c6 hinh sau:
Tacd SO=h; OA=R.Khidodat OI=MN =x.

R.(h-
Q [ M Theo dinh 1i Thales ta cé: M _ S =M= OAST_ ( x) .
OA SO SO h
A g7 A 2 TERZ 2
Thé tich khoi tru V = rIM*.IH = p .x(h - x) .
N A
B P 0O ) o , , 2 [ 2x+2(h-x)
Ap dung bat dang thiec Cauchy ta co: 2x(h - x) < —
2
Vay V < AR gy = xay ra khi ng . Hay MN:g.
Cau 38: Dap an B.
A C’  Theo nhu dé bai dit kién thi ta c6 thé dé dang tinh duoc thé tich ctia khéi lang
‘ . tru tam giac déu ban dau, tir 6 suy ra thé tich ctia khoi t dién AB'BC . D€ tinh
\\\\\ duoc khoang cach tir B dén (AB 'C ) thuce chat 1a tim chiéu cao cua tit dién, dén
M ) N day bai toan sé duoc giai quyét néu quy doc gia tim duwgc dién tich tam giac
AB'C.
Rannw L) Vi dé bai cho dirkién ((A' BC),(ABC))=60°, nén ta s& di xac dinh géc nay bing
“~~‘\\ 1 \\\ C
T cach goi H la trung diém ctia BC. Tam giac ABC déunén AH L BC (1).
B A'AL(ABC) = A'ALBC (2).

Tix (1) va (2) = BCLA'H
= ((A'BC),(ABC))= AHA=60° = A’ A= AH.tan60° = 2.
2

_3a ,12\/5_3,13\/5

Khi do Ve 4opc = A" AS 5 5 4 )
3
Vav, . = %V 1 f Itic ndy ta 6 thé loai C va D.

Dé thdy dién tich tam gidc AB'C c6 thé tich dwoc do B' AC can tai B’ c6:

2
B'A=B'C= a2+£%) =@)AC=LI.
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STUDY TIPS
Nhiéu doc gia theo thoi
quen da di tim ban kinh chtt
khéng phai duwong kinh
dan dén chon sai dap an.

Dé tinh duwoc chigu cao ké tit B’ ctia tam gidc c6 d6 dai la a3

:>SACB'={ZZ;/5 3d(B;(AB'C))=3SVBi=%.
AB'C

Cau 39: Dap an C.

Nhan xét hinh thang ABCD can va AB=2AD=2BC=2CD=2a nén
ACB=ADB=90".

Mit phing qua A vudng goc véi SB tai M nén AMB =90°. Ta ¢4 BC L AC va
BC LSA nén BC L(SAC).

Do d6 AN L BC va AN 1 SB nén AN L(SBC) = AN L BN, hay ANB=90°.

Tacling c6 AP L SB va AP 1L BD nén APJ_(SBD) = AP 1 BP, hay APB=90°.

Ta thdy cac diém C, D, M, N, P déu nhin AB duwdi mét goc vudng. Néu da nim
chéc duoc 10 giai & cac dé trude thi & dé nay, khong khoé d€ quy doc gia nhan ra
AB chinh 1a duong kinh ctia khéi cau. do vay d=AB=2a.

Cau 40: Pap an A.

Hinh chép SABCD la hinh chép tit gidc déu c6 AB = SA =a, nén khéi nén ngoai

tiép hinh choép ¢6 ban kinh day r = g va chiéu cao SO = 5

2
3
Khi dé V 1 {a\/i] .a\/E:na \/5

=—Tm.
3 2 2 12
Cau 41: Pap an C.

Hinh tru ngoai tiép hinh 1ap phuong da cho cé ban kinh day r = # va chiéu

2
. a2 na’
caobanga =V, == — | =7

Cau 42: Pap an A.
Gia str ban kinh ctia mdi qua bong ban 1a r thi khi d6 hop dung bong ban sé c6
kich thudc 2rx2rx6r. Khi d6 tong thé tich cua ba qua bdéng ban sé la

3&.11.1’3 =4mr® .
3

Thé tich ctia hop sé 1a 2r.2r.6r = 24r°.

Vay phan khong gian con trong trong hop sé la: V, =247 —4nr® s€ chiém:
24r° — 4nr?
24r°
Cau 43: Dap an A.

Ta 6 thé tich phan nuwdc dang 1én chinh bang thé tich ctia vién bi ném vao.

.100% ~ 47,64%

Do vay ta ¢6 thé tich nuéc ban dau: V, = nh* [R —gj
Khi dé thé tich nudc sau khi ném vién bi vao thé tich sé la:

v, =V1+é7tr3 _ait| R A (1)
3 3) 3
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STUDY TIPS

Ta khéng c6 cong thikc tinh
khoang cach tir mot diém
dén mot duong thing do
vay ta sé tham sd hda toa dd
diém H 1a hinh chiéu cua
diém I lén duong thing d,
tir d6 tinh khoang cach gitra
hai diém I va H.

STUDY TIPS

Nhiéu doc gia di lam lan
luot d6 la viét phuong trinh
mit phéng (B) ra r0i bit
dau tinh, tuy nhién d¢6 la
cach lam long vong, nén
cht y @€ ¢6 duoc cach lam
nhanh nhat khi lam tréc
nghiém.

Theo dé bai ta c6: “Bé vao trong chdu mdt vién bi hinh ciu bang kim loai thi mdt nieéc
dang lén vira phu kin vién bi.”
Do vay thé tich sau khi bo vién bi vao dugc tinh bing cong thiic:

v, = (2r) (R —%j @)

Tt (1) va (2) ta cé phuwong trinh:
| R-2 )2 —am [ R-Z ) o ar —are + 12 R0,
3) 3 3 3

Khi d6 thay cac gia tri ma dé da cho vao phuwong trinh bam may tinh giai ta dwoc
r ~1.01945 (chon A). BAm may tinh ta thdy c6 2 nghiém, tuy nhién viéc ban kinh
ctia vién bi xap xi bang chau nuéc la diéu vo li (= 9.90486).

Cau 44: Dap an B.

Ta c6 duong thang can tim vudng goc véi mat phang ( P) da cho phuong trinh
do d6 vtcp ctia duong thang can tim cing phuong véi vipt cia mat phang. Khi
dé két hop véi dir kién duong thzfmg di qua A(l; 4, —7) thi ta duoc phwong trinh:

x;lz y;4 _ z_+27 <:>x—1:yT_4: —22—7‘
Cau 45: Pap an A.
Do chi c6 mot phuong trinh nén ta sé viét phuong trinh tham sd ctia duong

thang d tir d6 ta c6 phuong trinh mot bién.

x=t
Tacod d:yy=-1-t = H(L-1-t;2-t)=IH=(t-1L~t—4;~t-3).
z=2-t

Do IH 1 d néntacé phuong trinh:t —1+f+4+t+3=0 < t=-2.

Khi d6 1H =(-2-3;-1) = H = (2 + (-3 +(-1) =14

Cau 46: Dap an B.

Do (B) Il (oc) nén khoang cach ttr (B) dén (oc) bang khoang cach tlr mot diém trén

(B) dén (). Ma (B) chira duong thing d do d6 M(2;8;4)ed = M < (B).
3.2-2.8-4+5| 9

ERERE T

Cau 47: Pap an A.

Do d6 d=

Trudc tién ta di tim toa do triec tam H (x,y,z) cta tam gidc ABC. Khi d¢ ta sé lap
hé phuong trinh ba dn véi ba dit kién sau:
AH.BC=0
BH.AC=0
| AB,AC|AH =0

-x+3y—-z=-5
& 2x+4y-2z=4
2x+4y+10z=16

x+2y+z-3=0
2x-y-z+3=0

Do A=(P)n(Q) nén A{

Giao tuyén A di qua M(O;O;3) va co vtcp ;tz(l;—3;5).
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STUDY TIPS
Nhiéu doc gia khong loai
treong hop trén nén dan
dén chon B.

(oc) qua H(%;—%;l) va vecto phap tuyén "= P,MH] = (7;19;10)

= (a):7x+19y+10z-30=0.

Cau 48: Dap an C.

Cich 1: Lam thong thuong: Véi dé bai dang nay cho kha nhiéu dit kién thi ta sé
chon phuong phap dat vtpt ctia mat phang (P) 1an= (a; b;c), (az +b* +c* > 0) la
VTPT ctia (P). Khi d6 (P):a(x—4)+b(y-3)+c(z-4)=0

Vi (P)llA nén np J_;tA.Suyra -3a+2b+2c=0 @azzb;’rzc 1)

|—3a—b—c|

Na® +b0* +

Theo dé ta c6 (P) tiép xdc voi mat cau (S) nén d(l;(P)) =R< =3(2)

2
T (1) va (2) ta co (b+c)2 =(2b+ZCJ +b* +¢* < 2b* —5bc+2¢* :0(3)
poC
<:>(2b—c)(b—2c)=0 Y
b=2c

-Véib=2c,chon b=2,c=1=c=2.
Khi dé (P):2x+2y+z—18=0 (khong théa man vi chita A)

- Vi bz%, chon c=2=0b=1.

(P)=2x+y+2z-19=0 (thoa man).

Cdch 2: Thir titng dap an mot.

Cau 49: Pap an C.

Ta lan luot di phan tich tirng budc mot.

O buwdc 1: Ta thy tat ca cac toa do déu dugc tinh ding.

Budc 2: Ta thdy biéu thic tinh tich c6 hudng ding, ta c6 thé ki€ém tra viéc nay
bang cach bAm may tinh toi da gidi thiéu & cac dé trude.

V6i biéu thiie tinh tich hon tap ta kiém tra lai nhu sau:

[ZE,R]ZB = —3.1+0.10+(m+ 2).1 =m-1#m+5.Do &6 budc 2 sai, chon C.
Cau 50: Pap an B.

Tacd goi I (a; b;c) la tdm mét cau ngoai tiép tir dién ABCD khi do:

(a—2)2 +b*+c* =R?

a’ +(b—2)2 +c*=R?

a+b +(c—2)2 =R’

(a=2) +(b-2) +(c-2) =R?

IA=IB=IC=ID=R &

a=b=c

—4b+4=-4c+4
< ! . 3((1—2)2 :(a—2)2 +24a°

(a—Z)z +(b—2)2 +(c—2)2 :(11—2)2+b2 +c’

oa=b=c=1.Khidé R=43(1-2)" =+3.
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The Best or Nothing

DE ON LUVEN S0 9

Cau 1: Tap xac dinh cua ham s6:

Fx)=2x1-2 + 2 1
A.(-11) B.[-1;1]
C.(-1;1] D. (—o0;=1) U[ 1;+00)

Cau 2: Ham s8 y =2x + Inx — x> d6ng bién trén:

.1+\/§

A. Ham s6 dong bién trén khoang (O,

B. Ham s60 dong bién trén nta khoang

1+\/§_

2

0;
C. Ham s6 dong bién trén moi khoang

i-o '[1+\/§'+oo].

2 2

D. Ham s8 dong bién trén mdi nita doan
1-43 M 1+3 }

—o0; )1 0; .

2 I 2

Cau 3: Tim m>0 d& d6 thi cua cdc ham sd

y=x>-3x+1va yzw khong cat nhau.
A. Khong ton tai. B. m=-3
C.m<-1,045 D.m=3
Cau 4: Tim tiém can ding cua do thi ham s&
2x
- ?
Y x* —3x
A.x=0;x=3 B.y=3
C.y=0 D.x=3
Cau 5: Tim m dé ham s§ y=x"-x>+mx+1 c6
cic daitai x; € —l;l ?
2 2
A. —ZSm<l B.—Z<m£l
4 4 4 4
C.0£m<l D.—1£m<1
3 5

Cau 6*: Cho d6 thi ham s§ y=x>—3x. Khing
dinh nao sau day dung?

1. Tén tai hinh chit nhat cé bon dinh thudc d6 thi
ham s6 trén.

2. Khéng tim duwoc d6 dai 16n nhét cta doan OA
véi O la gbc toa do con A la diém di dong trén
do thi.

3. Puong thing y =2 tiép xtic véi do thi ham s6.
A.Khang dinh2,3  B.Khang dinh1,2,3
C. Khéng dinh 3 D. Khang dinh 2
Cau 7: (Nha toan hoc leo ntii) M6t nha toan hoc
dang du dinh chinh phuc dinh nti Everest (c6 do
cao la 8848m ). Do c6 van dé vé tim mach, nén
ong rat quan tam t6i van dé ap luc khi O, trong
khi tho. Qua tim hi€u 6ng phat hién ra hai cong
thttc c6 anh huong téi qué trinh leo nudi cua
minh: P, =C, /kk.(qu —47)(mmHg) (trong do,
P, la ap luc khi O, trong khi tho, Cy ,; =0,21
la nong d6 O, trong khong khi binh thuong,
Py (mmHg) la 4p luc khi quyén) va

1— e—3(h/5000)

Py = f(h)=——
“ 3(/5000)"

.760(mmHg) (trong do,
h(m) la d0 cao noi nguwoi d6 diing so véi mat
dat). Khi duéi 100mmHg bénh 6ng sé tai phat
va chét. Tim khang dinh ding?
1. Mudn bao toan tinh mang, nha toan hoc
khong thé 1én dinh ndi.
2. Con thiéu chwa day 100m nira la nha toan hoc
6 thé 1én dinh nui.
3. Nha toan hoc sé 1én duoc dinh néu sttc chiu
dung ctuia Ong ta la trén 110mmHg .
A.Khéng c6 B. Khéng dinh 1, 2, 3
C.Khéng dinh 1,3  D.Khang dinh 1,2
Céu 8: Cho ham s6 y=x* —2mx® +3m+1(1) (m
la tham s6 thuec ). Tim cdc gia tri cia m dé€ do thi
ham sd (1) c6 diém cue dai va cuc tiéu, dong thoi

cac diém cuec tri tao thanh tam gidc c6 dién tich

bang 1?
125
A.m= [—] B.m=0
2
C.m=1 D. Khong ton tai m .

CAau 9: D6 thi cia ham s6 sau la ctia ham s6 nao?
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A
Y

A y=-x"+3x"+1 B.y=2x"+x+1
_ox-1
2x+1

Céau 10: Cho ham s8 y=x*-2mx*+2 (1). Tim

C.oy=x'-2x"+2 D. y

tat ca gia tri thwee ctia m dé€ do thi cia ham s& (1)
c6 ba diém cuc tri tao thanh mét tam giac cd

duong tron ngoai tiép di qua diém D(% ,%} ?

A. {1;E} B.{l; i\/g_l}

2 2
C.{1} D. Khong ton tai.
Cau 11: Tim tong gia tri 16n nhat va gia tri nho

nhat cia ham s6 f(x)= ~2x* +4x% +10 trén doan

[0;2]?

A.12;-6 B.12 C.-6 D.6
Cau 12: Tim tap xac dinh ctia ham s&:
1
f(x) - log, (x + 1) '
A.(-T;+w0) B. (—o0;-1)

C. (-1;+0)\{0}
Cau 13: Phuong trinh:

D. (—1; +oo) U {O}

2log; (3x —1) +1=log.z (2x + 1)

c6 bao nhiéu nghiém thuc?
A.2 B.1
C.3 D. V6 nghiém
Cau 14: Giai phuong trinh:
log, (x2 + Bx) +log, (2x + 2) = O,(x € R) .

3
13 C.x
2
Cau 15: Tinh téng cac nghiém cua phuwong trinh:

1
log, (xz - 1) =log, (x + 1)2 + Elog2 (x - 2)2 .

A.x=2 B.x=

=1 D.xe{1;3}

A. 2 B.—2 C.1+vJ2 D.0

Cau 16: Phuong trinh:
log, (x - 2) =log, (x2 —4x+ 3) c6 nghiém la:

A.2+3 B.2+43
C.-2++3 D. V6 nghiém
Cau 17: Giai bat phuwong trinh:

1 2 1
Elog2 (x +4x— 5) > log% (x+_7j .

A. _00}—Z B. —7;—z
5 5

D.(1;+w)

Cau 18: (Chién tranh va dan s6 thé gigi) Cuc
diéu tra dan sd thé gidi cho biét: Trong chién
tranh thé gidi thit hai (kéo dai 6 ndm); dan s6 mdi
nam giam di 2% so voi dan s6 nam lién trudc
d6. Vao thoi hoa binh sau chién tranh thé gidi
thtt hai thi dan s6 tang 4% so v6i dan s6 nam lién
trude d6. Gia st rang, nam thit 2 dién ra chién
tranh dan s6 thé gidi la 4 ti nguoi. Ké tir thoi
diém do thi 10 nam sau thi dan s6 thé gidi la bao

nhiéu ty nguroi? (lam tron dén chi sd thap phan

thit hai).
A.4,88 B.495  C.4,5 D.4,35
b _1,~a
Cau 19: Tim 2017" ~2017" biét: a—b= %
2"+2
A.0 B.2017  C.1 D.-1

CAu 20: Tinh ¥x +%/§ biét x;y thda man:

2" Jog, y—2=2*"
9.2".log,, y—9=log3 y '

A2 B.1+3V3 C. 4 D. 28
Cau 21: Mot nguyén ham cta ham so
y=In(Inx) la:

1

A.; B. Lxln(lnx)dx

C.["in(Int)dt D. [ In(Int)dt

1
Cau 22: Tinh tich phan: I(x - 1)3 2x —x*dx.
0

A.—2 B.—i C.—l D._—2
5 15 50 30

Cau 23: Tinh tich phan:
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I=

In(3x* +x?)-2Inx dx .
[Inf3x" +4%) -2

A 4In2-1n3 _é_'_ n\/g

W | —

3 39
4In2+1n3 4 n\/g
B. -——+
3 379
4In2+1n3 4 /3
C. +=+
3 379
b 4n2+n3 4 mf3
’ 3 3 9
Cau 24: Tinh tich phan: || — 2
' 144122
A1 Br-1 cl D.90°
2 2
Cau 25: Tinh tich phan: | ———>—dx
- Cdos fx+14x+3
A.—3+lnE B.E’»+6lng
2 2
C.—3+6ln% D.-3+6In3

3
Cau 26*: Tinh tich phan: [ = j_l min(?)x ;22X + 1}lx

80 46 20
— B.—+——
3In3 3 3In3
s pds_20
3 3 3In3

Cau 27: Giai phuong trinh:
[ (3 —2t+3)at=x"+2.
0

A.S={1;2} B.S={1,2;3}
C.5=0 D.5=R
Cau 28: Tinh dién tich ctia mién phang bi gisi
2
=k -4
han boi cac duong Y ‘x x‘.
y=2x
A.s=@ B.S=5—1 C.S=5—2 D.S=5—3
3 3 3 3

Cau 29: Tinh dién tich hinh phang giéi han boi

y=x.sin2x
cac duong <y =2x

X==
2

2 . 2 2

AT g T L D. X
4 4 4 4 4 4

Cau 30: Tim s6 phtec zthoa man |z|=\/ﬁ va

|z+2-1=2[z+1-1.

A.z=3+2i B.z=3-2i
C.24+3: D.z=43-2i
Cau 31: Tim phan thuc ctia s6 phitcz , biét rang
(1-2i)z 2170 _5_2;.
3-i
A.-1 BAN1O  C1 D.3
\ , , | 5iz
Cau 32: Tinh |z| biét: z=(1+1)(3—21)— —~.
(2+1)
A 5 clia poliy
2 2 2
z+2—1

=2.

Cau 33: Cho s6 phtc z thdéa man

z+1-i
Tim trung binh cfng gia tri nhé nhat va 16n nhat
ctia |z|

A3 B.10£3 C.2J10 D.J10
Cau 34: Trong mit phang toa d6 Oxy, tim tap
hop diém biéu dién cac sd phtic z théa man hé
thire: 2|z-1|=|z-z +2)|

A. Tap hop cac diém can tim la hai duong
théng x=0,x=2.

B. Tap hop cic diém can tim la duong tron
P ryt=2.

C. Tap hop cac diém can tim 1a duong elip:

2

x2+y—=1
2

D. Tap hop cac diém can tim 1a hai duong

2 2

elip: x? +y?:1;?+y2 =1

Cau 35: Tinh phan ao cua s6 phuc z, biét
22+ 12i=z va z ¢b phén thuc duong.
A.2 BAG  C-1 D.-i

Cau 36: Cho hinh chép S.ABCD c¢6 ddy ABCD la
hinh thoi; hai duong chéo AC =2+/34;BD =24 va
cat nhau tai O; hai mat phing (SAC)va (SBD)
cing vudng géc véi mit phing (ABCD). Biét
khoang cach tir diém O dén mit phing (SAB)

J3

bing ”T . Tinh thé tich khéi chép S.ABCD.
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C. D.
3 2

Cau 37: Cho hinh lang tru ABC.A’B'C" c6 A" ABC
la hinh chép tam gidc déu canh day AB = a. Biét

Aa3\/§ Bi a3«/§ a3\/§
. "3

do dai doan vuong goéc chung ctia AA” va BC la
af

—— . Tinh thé tich kh&i chép A”.BB".C'C.

2’ /5 a°+/3 @ 2’15
Easl o8
Cau 38: Cho lang tru diing ABC.A’B'C’ ¢6 day
ABC la tam giac can dinh C; duong thang BC’ tao
v6i mat phing (ABB'A’) goc 60° va AB = AA’ =
a. Tinh theo a thé tich khéi lang tru ABC.A'B'C".
PAB B PAB P
12 4 4 4
Cau 39: Cho hinh chép S.ABCDc6 day la hinh
thang vudng tai A va D.SA vudng goc voi mat
day (ABCD); AB=2a,AD=CD=a. Géc giita

mit phing (SBC)va mit ddy (ABCD)la 60°.
Mait phéng (P)di qua CDva trong tam G cua
tam gidc SAB cit cdc canh SA,SBTan luot tai M,

N. Tinh thé tich khéi chép S.CDMN theo thé

tich khoi chop S.ABCD .
14

A Vs cpun = 57 5 Vsagcep
4
B. Vs CDMN ~ Ao 57 VSABCD
_10Vsupcp

C VS.CDMN - 27

V.
SABCD
D.Vs comn = >

Céu 40: Cho lang tru tam gidc déu ABC.A'B'C’
c6 tat ca cdc canh bang a. Mla trung diém canh
AB. Mt phang (P)di qua M va vudng goc voi
CB', cit cdc canh BC,CC', AA'Tan luot taiN |, E,
F.Xac dinh N, E,F va tinh thé tich khoi chdp
C.MNEF .

7w W 2Wse 7

128 " 128 " 128 1283
Cau 41: Cong thuc tinh thé tich khéi cau duong
kinh R la:

A.énRg’ B.EnR?’ C.énR?’ D.lnR3
3 4 5 6

Cau 42: Mot hinh hop ch nhat c6 duong chéo
chinh bang 3 thi thé tich 1én nhat bang:

A.33 B.3 C.9 D. 6
Cau 43: Hinh chop cut co madt day trén la da giac
16i ¢6 12 dinh. S mat ctia hinh choép cut la:

A. 24 B. 12 C. 14 D. 26
Cau 44: Trong khong gian Oxyz, tap hop cac
diém cach A(0;1;2) mot doan 4 1a:

A.x2+(y+1)2+(z+2)2 =42

B.x? +(y-1) +(z-2)" =4
C.x2+y2+z2—y—2z:l6
D.x* +y* +22 -2y —4z=11
Cau 45: Trong khong gian Oxyz, cho cac diém
A(2;0;0), B(0;-2;0), C(0;0;1)va duong thang

XIZ :%:ZTH Viét phuong trinh chinh tic

ctia duong thang anam trong mit phang (ABC )

d:

cat va vuong goc voi duong thang d.

A_ A:x__]_:y_“l‘l:E B_ A:x__].:y_“l‘lzz
-1 3 2 1 -3 2

C. al -1 y+1 Z p. A.x+1 y__lzi
1 3 2 -1 3 2

Cau 46: Trong khong gian voi hé truc toa do
Oxyz, cho mit phang (Q):x+y+z=0vé hai
diém A(4;-3;1), B(21;1). S8 diém M thudc mat
phéng (Q)sao cho tam gidc ABM vudng can tai
Mla:

A1l B.4 C.3 D. 2
Cau 47: Trong khong gian Oxyz, cho hai diém

A(1;2;—1) va B(—2;1;3). Tim toa d6 diém C trén

truc Ox sao cho tam gidc ABC vuong tai C.

A. C(-1-43;00)
B. C(-1-3;0;0);C(-1++3;0;0)
C. ¢(1-+3;00)
D. C(1-+3;0;0);¢(1++3;0;0)
Céu 48: Trong khong gian véi hé truc toa do

x+4 y-5 z+7
-1 1

Oxyz, cho hai duong thang d, :
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x=2 y z+1

va dzz—:—l 5 S6 duong thang a di
qua M(-1;2;0), Ld, va tao véi d, géc 60°la:
A.l B.0 C.3 D. 2

Céau 49: Trong khong gian Oxyz, viét phuong
trinh mat phang di qua M (2;3; —1) , vudng goc
véi hai mit phang lan lugt c6 phuong trinh
5x-4y+3z+20=0va 3x—-4y+z-8=0.
A.2x+y-2z-9=0
C.2x-y-2z-9=0

B.2x+y-2z+9=0
D.2x+y+2z-9=0
Cau 50: Trong khong gian toa do Oxyz, cho mat
cau (S):x*+y’+2° —2x+4y—-2z-8=0va mit

phéng (P):2x+3y+z-11=0. Viét phuong trinh

mit phing (Q)song song véi mit phang (P)va
cat mit cau (S) theo mot dudong tron cb ban kinh
bang mot ntra ban kinh mt cau (S).

A (Q)):2x+3y+2z-3+743 =0,
(Q,):2x+3y+2-3-73=0

B. (Q):2x+3y+2z+3+73=0,
(Q,):2x+3y+2z+3-743=0

C. (Q):2x-3y+2z+3+743=0,
(Q,):2x -3y +2+3-73=0

D. (Q):2x+3y-z+3+743=0,
(Q,):2x+3y—z+3-73=0
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STUDY TIPS
Nhiéu hoc sinh quén diéu
kién mau s khac 0 va dua
t6i két qua B. Mot s khac
giai sai b4t phuong trinh
1-x%>0 va duara két qua
khac.

STUDY TIPS
Sai Jam co ban nhat:
+ Maic dinh la ham s& dong
bién khi va chi khi y'>0
va dua téi dap an A.
+ Khi khic phuc duoc
y'20 nhung do quén mat

diéu kién x >0 nén lai thu
duoc dap D.

+ Giai sai bt phuong trinh
6 thé thu duogc dap an C.

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

DAP AN

1.C 2.B 3.A 4.D 5.A 6.B 7.C 8.C 9.A | 10.A
11.D | 12.C | 13.B | 14.C | 15.C | 16.A | 17.B | 18B | 19.A | 20.C
21.D | 22B | 23.C | 24.A | 25.C | 26.B | 27.A | 28.C | 29.A | 30.D
31.C | 32.A | 33.D | 34.A | 35.C | 36.C | 37.B | 38.C | 39.A | 40.B
41.D | 42.A | 43.C | 44.D | 45.A | 46.D | 47.B | 48.D | 49.A | 50.B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an C.
Diéu kién x4c dinh bao gom biéu thiic trong can bac hai phai khong am va mau
s0 phai khac 0.

1-x2>0

Khi d6, vdi bai toan ta co: { < -1<x<1

x+1=#0
Cau 2: Pap an B.
Ta xét:

’—2+l—2x—2x+1_2x2
4 x x

1443
2

bén day ta phai xét dau ctia y'. Luu y rang diéu kién xac dinh cta ham so la

y'=02x*-2x-1=0=x=

x>0 (d€ In x ton tai). Va ta thu duoc ham s6 dong bién trén ntra khoang

(Oﬂ}

2
Cau 3: Pap an A.
Diéu kién can va du hai d6 thi khong cat nhau 1a hé phuong trinh khong c6
y=x"-3x+1
nghiém: 4y 4m-1
x-1

biéu nay twong dwong véi phuong trinh (*) sau khong c6 nghiém:

x3_3x+1:w (*)
x—1
{(x3—3x+1)(x—1)=4x+m—1 {x4—x3—3x2=m
o o
x#1 x=1

Xét f(x) =x*—x3-3x% dé thay f(x) la mot ham lién tuc va nhan moi gia tri
duong. Nén diéu kién can d€ (*) vo nghiém la: m = f(1). Nhung f(1)=-3<0
do d¢, truong hop nay cling khong xay ra. Vay dap an bai toan la khong ton tai
gid tri cia m va dap an dung la A.
Luu 4j: Nhiéu hoc sinh cam thay lung tung khi giai quyét phuong trinh (*) va
thuong sé 1ap luén theo kiéu tinh:
f'(x)=4x3 ~3x% —6x= x(4x2 —3x—6)
344105

8

f'(x)=0<:>x=0;x=
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STUDY TIPS
Sai lam thuong gidp: Do
khong rat gon nén nhiéu
hoc sinh ra dap an A.

STUDY TIPS
Sai lam thuong gép: Trong
cong thirc dién tich thiéu
1/2 nén c6 thé dan téi dap
an A. Bai toan nay sé phtc
tap néu khong dé€'y téi tinh
d6i xting cua B va C.

Va r0 rang la dang lam phtic tap bai toan 1én. Hay doc ki dé bai vi dé bai chi yéu
cau tim m >0 thoi nhé!
Cau4: PapanD

X X 1

x> —3x :x(x—3) - x—3;VXiO;xi3

Taco: y=

R& rang, ham sd nay chi c6 duy nhat mot tiém can dung la x=3.
Cau 5: Dap an A.

Tacd:y'=3x>-2x+m

A'>0 1-3m>0
R T (1 3 7 1
Diéu kién can tim la: |y > >0 Z+1+m20<:>—1£m<z

3
yv[%j<0 Z—1+m<0
Cau 6: Dap an B.
Khang dinh 2 va 3 chiing ta dé dang kiém tra duoc tinh ding dan! Con khing
dinh 1 1& mot cau hoi kha la d6i véi hoc sinh. Tuy nhién, ta chi can cha y tinh
chat diém udn la tam déi xténg va ta chi can chu y néu ton tai 2 diém cung mot
bén diém uén ma cach déu diém udn thi bai toan dwoc giai quyét. (Cong viéc nay
khé don gian). Bap an dung la B.
Cau 7: Pap an C.
Cong viéc cta bai todn nay thi khoéng c6 gi khd. Bai toan nay cé thé dung dao
ham va rat ra nhan xét, hodc don gian hon ta chi can xét tai cac di€ém ma dé bai
da cho. Dap 4n dung la C.
Cau 8: Pap an C.

Ta c6 y'=4x(x2—m)=0<:> , - Dé&hamsdcédCD,CTthi m>0.
x“=m

A(O;3m+ 1);B(—\/;;—m2 +3m+1);
Khi d6, d6 thi ham s c6 cac diém CD, CT la
c(\/E;—nﬂ +3m+1)

Vi AeOy;B,C ddi xting véi nhau qua Oy nén:

1 2
Spc :E|yA —yB|.|xB —xc|=m Nm=1om =1(tm)
Cau 9: Dap an A.
R rang tlr hinh vé ta c thé thdy ngay d6 la d6 thi ham s& bac ba. Tuy nhién dé
nhin thdy khi x cang 16n thi d6 thi cang di xudng tic la y cang ngay cang am.
Do d6, hé s6 ctia x° phai &m nén chi ¢ thé'1a dap én A.
Cau 10: Pap an A.
Ta cd: y'=4x” — dmx = 4x(x* ~m), diéu kién d& do thi ham s c6 3 diém cuc tri
la m>0. Khi d6 cdc diém cyc trj ctia 40 thi ham s8 1a A(0;2), B(Jm;-m* +2),
C(—\/Z; -m? + 2) , tam giac ABC cantai A.

Tam I cua duong tron (ABC)ném trén truc tung = I(O;y) .
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STUDY TIPS
Sai l[am thuong gdp: Quén
diéu kién m >0 nén co thé

ra dap an B.

STUDY TIPS
Sai l[am thuong gdp: Quén
d6i chiéu vdi diéu kién nén
sé khoanh dap an A. Pac
biét sai Jam nay thuong xay
ra khi cac hoc sinh chi chu
tam vao phuwong trinh bac
ba va bdm may tinh.

Tacd IA=IB=1 0;2—1m2—i )
2 2m

Duong tron (ABC ) qua D(% ,%)

2 2 2
omb=Ao|3] (1L, 1) (L, 1
5) 5 20 2m 2 2m

<:>lm2+i—1=0<:>m=1 hoac m:E (do m>0).
2 2m 2

Cau 11: Pap an D.

f(x) xac dinh lién tuc trén doan [0;2], ta co: f(x) =-8x% +8x
o . =0

Vi xe[O;Z] thi f (x)=0©k=1 .

Tacé: f(0)=10;£(1)=12;f(2)=—6

=maxf(x)=f(1) =12 pinf(x) = £(2) =6 = max f(x) +min f(x)=6
Cau 12: Pap an C.

+1>0 >-1
Ta c6 tap x4c dinh:log, (x +1)#0 < {x {x

= .
x+1=1 x#0

Cau 13: Pap an B.
biéu kién: x > l(*)
3
Vi diéu kién trén, phuong trinh da cho:
< logs (3x - 1)2 +1=3log, (2x + 1) < log, 5(3x - 1)2 =log; (Zx + 1)3
=5(3x-1)" =(2x+1)" & 82 -33x? +36x —4=0
5 x=2
o(x-2)(8x-1)=0e| 1
x=—
8
béi chiéu diéu kién (*) thi x =2 1a nghiém duy nhat cia phuong trinh nén dap
an dang la B.
Cau 14: Pap an C.
Diéu kién: x> O(*)
Véi diu kién (*) ta c6:
x =1(chon
<:>10g3(x2+3x)=log3(2x+2)<:>x2+x—2=0<:> ( )
x= —2(10111)
Vay nghiém ctia phuong trinh 1a x=1.
Cau 15: Bap an C.
X =1>0 {2 #x>1

=
x+1#0;x-2%#0 x<-1

Diéu kién: {
Khi d6 phuong trinh: < log, (x2 - 1) =log, (x + 1)2 +log, |x - 2|
©log2(x2 —1):log2[(x+1)2|x—2|} =33 —1:(x+1)2|x—2|
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STUDY TIPS
Sai Jam thuong gap: Khong
dé'y toi diéu kién c6 thé gay
ra bon nghiém va tdng bing
2 vara dap an A.

STUDY TIPS

- Sai Tam thuong gap: Do
khong kiém tra diéu kién
nén dé nham sang d4p an B.
- D6i véi bai todn nay, vi
hinh thitc phttc tap nén ta
c6 thé giai bang cach thtr
dap 4n bing may tinh la
hop ly nhat.

STUDY TIPS
Sai lam thuong gap: Do d6i
chiéu sai diéu kién hodc
khong biét cach két hop
nghiém nén sé thu ra két
qua sai.

STUDY TIPS
Sai [am thuong gdp: Khong
hiéu ban chat! Lai tinh theo
kiéu tang giam phan trdm:
74%—-3.2%=22% do d¢,
41,22=4,88 ty

ngwdi va ra dap an A.

dan so:

Cong Pha Toan The Best or Nothing

x>2
{x—lz(x+1)(x—2)
l<x<2Vx<-1
{x—lz(x+1)(—x+2)

c>x—1:(x+1)|x—2|<:>

=X +X, + Xy =142

x>2

x2—2x—1:O x:1+\/5
S
I<x<2Vx<-1 x:iﬁ
x*=3

Cau 16: Pap an A.
10g3(x—2)=10g4(x2—4x+3)

x>2
5 <Sx>3
x*—4x+3>0

Diéu kién xac dinh: {
Phuong trinh da cho < log, (x2 —4x+ 4) =log, (x2 —4x+ 3)

bat t =x*—4x+3 ta ¢é phuong trinh:

log3(t+1):log2t:a @{2112?3“ =2+1=3" @(%J +(%J = (1)

Do ham s8 f(a)= [%J - [%j nghich bién trén R nén phwong trinh (1) c6 t&i da
mot nghiém. Mat khac f (1) =1=a=1langhiém duy nhat cua phuong trinh (1)
x=2+3

x=2-+/3

Daéi chiéu diéu kién ta c6 nghiém phuong trinh: x =2+ V3.

Cau 17: Dap an B.

X +4x-5>0 {x e (~0;-5) U (1+0)

a=1=t=2=x"-4x+3=2 < x> —4x+1=0 <:>!

=>xe (—7;—5) U (1; +oo)

x+7>0 x>-7

Diéu kién: {
Tt phuong trinh suy ra:

log, (x2 +4x—5) > —210g2$<:> log, (x2 +4x—5) >log, (x+7)2 S x< —%

Déi chiéu diéu kién, ta c6 nghiém x e (—7 ; —%}

Cau 18: Dap an B.

10 ndm dé bao goém 3 nam chién tranh va 7 nam hoa binh. Do d6, dan s6 sé duoc

tinh 1a: 4.(0,98).(1,04) ~ 4,95 ty nguoi

Cau 19: Pap an A.

a.2" -b.2"
20420

©a2'-p2"=0a2"=b2" a=b (5;b>0)

Tacd: a-b= <:>(a—b)(2“+2h):a.2b—b.2“

Do dé, 2017° —2017° =0.
Cau 20: Pap an C.
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biéu kién: y>0.
2"log,y—-2=2"(1)

Hé phuong trinh <
P & {C’).Z".log3 y—9=log}y(2)

2x

Twr (1)=log,y = 27 +2 Thevao (2) ta duoc:

2x 2
32x2 +2 9= 27 +2 -
2" 2"

¥ =4 x=1=y=27(t/m)
:>§/;+3y=4.

2 _ 1
27 = —E(vn)
Cau 21: Bap an D.
Bai todn nay doi héi hiéu sau sac 1y thuyét nguyén ham! Dé thay néi van tat thi
ta co: F(x) la nguyén ham ctia f(x) khi va chi khi F'(x) = f(x) .
Do d6, dap an dung o day la dap an D.
Cau 22: Pap an B.

1

1
STUDY TIPS I:J‘(x—l)3 Zx—xdeZJ(x2 —2x+1)\/2x—x2 (x—l)dx
0

Cac cau 22, 23, 24, 25 ta 0
hoan toan c6 thé€ st dung
méy tinh dé bém ranhanh  Dat: t=v2x—x* =* =2x—x* = tdt = (1-x)dx,t(0)=0,¢(1) =1

két qua. 1 1 5o
2 4
I:!(l—t )t(—t)dtzg(t —t )dt—(5 3]

Cau 23: Pap an C.

Ta co:

I= j[ln(?;x‘l + xz)—ZInx]d
1

3

111 2

0 5 3 15

[ln(?)x +1)+lnx ~Inx* ]dx=j[ln(3x2+1)]dx

(‘u\u!—.»—n

[SSRY

6xdx
=In(3 2+1 =
Pt | n(3+1) _ Jdu 3 11
dv=dx

=X

I=x1n<3x2+1) -]

3x +1

2
11_2J- 6x°dx 4ln2+ln3
3

Véi: | =

w\bﬂ(—.b—l

(2_39( +1jd g +1 3 3[

(dat \/>x—tant voi te(—ﬁ E]) =—(1+tan2t)dt.
A\/_
Dﬁicén:x:l:tzﬁ;leztzﬁ.
3 6
Tt d6 tinh duoc: J= 2" __An2+In3 4 73
3 33 3 3 9

Cau 24: Pap an A.

bat x =sint,t e [—g E} Ta cé: dx = costdt va ta co:

\/1—x2 =\/1—sin2t =\/C052t =|Cost|=cost
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x=0=¢t=0 x n2C052LJ—1
A N > = 2
Doi can véi x tedod: Io ax :IOZ costdt _ IOZ dt
x=1:>t=5 14++/1— x> 1+ cost ZCOSZ(;j

t 2
n n d[zj "
= [2dt-[2—" < =|t—tan| = =T 1
0 0 [t 2 2
cos”| —
2 0
Cau 25: Bap an C.
Dit u=+x+1=u?-1=x=2udu=dx
x=0=u=1

Déi can:
x=3=2u=2

J— 2_
x—3 dxzjz 2u” —8u

. 3
Taco:j .

2 2 1
03.\/x+1+x+3 du—L (2u—6)du+6j.1mdu

W +3u+2
2

(uz —6u)‘ +61r1|u+1|2 =—3+6lng
1 1 2

Cau 26: Dap an B.

Giai phuong trinh: 3* = 2x% +1 ta duoc: x=0;x=1;x=2

Do dé, tacd: I= J.imin(?)x;Zx2+ 1}lx

_[%ax 1 2 2 x 3 2
STUDY TIPS = [ 3%+ [ (207 + 1w+ [ 3%+ [ (247 + 1
Bai toan khé nhat & budc L0 1 . P 3
giai phuong trinh dé t‘11~n _ 3 +(zx3 +xj n 3 +(%x3 +xj
gia tri nho hon trong moi In3 1 3 0 In3 1 3 9

khoang gia tri. 2 5 6 41 46 20
+ +—=—

"3In3 3 I3 3 3  3In3
Cau 27: Pap an A.

Ta c6: Ig(Btz pr +3)dt =342

<:>x3—x2+3x=x3+2©x2—3x+2=0©[
X =

Cau 28: Bap an C.
Phuong trinh hoanh d6 giao diém:

x>0 x>0 =0
‘x2—4x‘=2x<:> ¥ —4x=2x ={|x*-6x=0=|x=2

x? —4x=-2x x2=2x=0 x=6
Suy ra dién tich can tinh: S= U()z(‘xz —4x‘ —Zx)dx + Jj(‘xz —4x‘ —2x)dx

2
Tinh I :J' (‘x2 —4x‘—2x)dx
0
Ta co: Vxe[O;Z:l;x2 —4x£0:>‘x2 —4x‘=—x2 +4x:>1=‘|.02(—x2 +4x—2x)dx=§

Tinh K= Jj(‘xz —4x‘ —Zx)dx
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STUDY TIPS
Sai [am thuong gap: Khéng
doc ki dé twong la tim z va
thu duoc dap an C.

.| vx 6[2}4],.‘)(2 —4x<0
Ta co:
Vx e[4;6],x2 —4x>0
=K =J.4(4x—x2 —2x)dx+_[46(x2 —4x—2x)dx =-16

Vay S:—+16_52
3 3

Cau 29: Dap an A.

Ta co: x.sin2x =2x < x.sin2x-2x=0< x(sin2x—2)=0 <x=0

J'n (x sin2x — 2x)dx

 fu=x du=dx
Dat: . = S cos2x

Dién tich hinh phang la: § = jOZ x(sin 2x - 2x)dx

dv=(sm2x—2)dx 5 —-2x

n n wf| nt om
SS=——— | ==

4 2 4 4 4

Cau 30: Bap an D.

Goi z=a+bi, (a,beR)=>Z=a—bi

Theo gia thiét: {|Z| Vis {|Z| V18
z+2-i|=\2[z+1-1  |[(a+2)+(b-1)i[=+2|(a+1)-(p+1)i]

Va2 +b* =13 @{a2:9®{a=i3

\/(a+2) \/7\/a+1 b+1) b=-2 |b=-2

Vay z=-3-2i hoacz-3 2i.

Cau 31: Pap an C.

9+7i

—i

=5- 2<:>(1 21)2 7+1i

Ta c6: (1-2i)z—

7+1

©z=———=1+3i=Re(z)=1.

-2i
Cau 32: Pap an A.
Dat z=a+bi, a,beR.Taco:

z=(1+i)(3—2i)-(25;fi)©a+bi=5+i—i(2-i)(a-bi)

< a+bi=5+i—(1+2i)(a—bi)< a+bi=5+i—a—2b+(b—2a)i=0

5-20-2b=0 _|a=
<:>5—2a—2b+(1—2a)i=0<:{ . e{“

1
2
1-2a=0 b=2
Vay |z|=\/a2+b2 =g.

Cau 33: Pap an D.

Gia st z=x+yi (x,y €R). Tix gia thiét suy ra:

f@‘x+2+ ‘ f‘x+1 y+1)‘

z+2—1
z+1—1

o (x+2) +(y-1) =2(x+1)" +(y+1)’ <:>x2+(y+3)2 =10.
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Tap hop biéu dién ctia z 1a dwdng tron tam 1(0;-3), bén kinh R=+/10.
STUDY TIPS

Sai [am thuong gdp: Khong

hiéu th ndo la trung binh | IM —JO|<OM < IM +10 <+10-3<OM <\10+3 |z| < OM,,;, =+10-3

cdng va nham tuong sang
tong ctia hai s8 c6 thé gay ra |Z . +|Z (\/10 —3)+(\/10 +3)
dép n C. |4, < OM,,, =+10+3 = —m e 5 =410

Goi M1a diém biéu dién cua z . Ta co:

Cau 34: Pap an A.
Dat z=x+yi (x, yeR).Ta co: 2|z—1|=|z—2+2|
<:>2|x+yi—1|:|x+yi—x+yi+2| <:>2|x—1+yi|:|2+2yi|

[ =0
<2 (x—l)2+y2 =J4+4y* ©x*-2x=0 c{x )
X =

Vay tap hop cac diém can tim 1a 2 duong thang x =0, x =2.

Cau 35: Pap an C.

Ta céd: z=x+yi,x,yeR.

22 +12i=2 & (x+yi) +12i=x —yi

x* —3xy? =x (1)
3%y -y’ +12=-y (2)

Dox>0=x*=3y*+1 . Thé vao (2) ta duoc:

o x® -3xy? +(3x2y —y° +12)i=x —yi & {

3(3y* +1)y —y® +12=-y =2y +y+3=0(3)

Giai (3) ta dugc: y=—1=x?=4.Do x>0 nén x=2.Viy z=2 —i = Im(z) =-1.
Cau 36: Pap an C.

Do tam giac ABD déu nén véi H la trung diém cuia AB, K la trung diém cta HB

ta co:

J3

DH L AB;DH = a\/_OK||DHOK:EDH_a = OK L AB= AB 1 (SOK)

Goi I'1a hinh chiéu ctia O 1én SK ta c6: OI L SK; AB L OI = OI L (SAB), hay Ol 1a
khoang cach tir O d@&n mit phang (SAB).
Tam giac SOK vuong tai O, OI la duong cao = 12 __1 -+ 12 =s0=2.

OI* OK* SO 2
Dién tich ddy S 5cp = 45 450 = 20A.0B =24/34%.

Duwong cao ctia hinh chép SO =%

3
2a x/gza \/5

la
32 3

Thé tich khoi chép S.ABCD: V =

Cau 37: Dap an B.
Goi O la tam cta day ABC va M la trung diém canh BC. Ha MN L A'A. Do

a3
=3

BC 1L (A'AM)nén MN la doan vudng goc chung ctia A’A va BC = MN =

3 3

Ta c6: AM—— Ao—gAM—— AN =JAM? - MN? =32
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Hai tam giac A’‘OA va MNA dong dang nén A—O:fX—O:A'O—&AO 2
MN AN AN 3
2 2 a N3 a3
Vs ce=Vaige -V, =A'0S,,=—A'0.S ——= =
A'.BB.C'C — Y A'BC.ABC ~ Y A".ABC ABC =73 ABC T3 3T g 18

Cau 38: Bap an C.
CILA'B
C'ILAA'

Goi I la trung diém A’B’ thi: }:> C'I L(ABA'B")

suy ra goc gitta BC’ va mp(ABB’A’") chinh la goc C'BI. Suy ra C'BI = 60°

C'I=BILtanC'Bl = a\/zﬁ
3
VABCA'B'C' :AA'.SAVBVC, :AA"%'CI.A'B' — a -‘;:/E
Cau 39: Pap an A.
_1 1
) Pat V' =Vs e 1 €6 Vscon =3 Vs nens Vsane =3 Vsamen

S.CDA — 3 S.ABCD”
Mit phang (P) di qua CD va trong tAm G ctia tam gidc SAB cat cac canh SA,

N SBlan Iuot tai M,N. Khi dé MN // AB va SM SN _2.
SA SB 3

B Vecom _SC SD SM 2 2 2

Ta cé: =V ==V ==V
Veepa SC SD'SA 3 SCOM = 37scDa g

—V.

2
Ve _SM SN SC_(2 4 8
D c Vg ape SA SB'SC

g VS.MNC 9 VS ABC = 27

e A 2 8 14
Boi vay: Vs cpayn = Vs.com + Vsmne =§V +§V =EV

Cau 40: Pap an B.

+) Xac dinh N,E,F. Goi I,]lan luwgt la trung diém BC,CC'. Khi d6
mp(AI]) L B'C. Suy ra mp(P) qua M va song sang mat phang mp(AI]).Do do
MN /] A, NE//I], EE// A] .

+) Tinh thé tich khdi chop C.MNEF . Thdy ngay ENC la goc gitta mat phing (P)

va mp(ABC). Ttx gidc MNCAIa hinh chidu vudng goc cta tir gide MNEF trén
dt(MNCA)

mp(ABC) .Suy ra dt(MNEF) =
cos ENC

a3
4

Ta c6 ENC =£,dt(ABC)=
4

2 2
dt(ABC)—dt(BMN) : f-a?f _76a?
COSE i 32

1 V2
a_ 3v2a
s

Goi V 1a thé tich khéi chép C.MNEF , ta c6: V =

Suy ra: dt (MNEF) =

Mgt khac d(C,mp(MNEF)) =

W

7642 324 3 7\/34°

1
3 32 8 128
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Cau 41: Pap an D.
Luu y dé bai cho la duwong kinh Rnén cong thitc thé tich phai la:

3
V :én(gj =lnR3.

312 6
Cau 42: Pap an A.
Goi ba canh hinh hop chit nhat la a;b;c .
Khi d6: a*> +b* +c* =9 va V =abc. Do d6, 4p dung bat déng thitc Cauchy ta c6

ngay: V =abc =\a* b*.c* <

Vay thé tich 16n nhét bang 3v/3 khi hinh hop la hinh 1ap phuwong.
Cau 43: Pap an C.
Cau 44: Dap an D.
Cau 45: Dap an A.

Phuong trinh mat phang: (ABC):§+%+§=1®x—y+Zz=O
Goi I 1a giao diém cta duong thang d véi mp(ABC) thi I (1;—1;O)Vé1 duong
thrfmg Adiqua I, mp(ABC) co vtpt ﬁz(l;—1;2), d c6 vtcp ;tz(l;l;—l). Goi 1,71

la vtep cta A. Ta co {Lﬁ i il, chon LTl = [;l,;t] = (—1; 3;2) .
u, Lu

Vay phuong trinh duong thang: A :x—_l1 = }/TH

z
Cau 46: Dap an D.
Goi M(a;b;c), khi do: Me(Q) < a+b+c=0 (1)
Tam gidc ABM can tai M khi va chi khi: AM? = BM?
(a4 +(0+3)" +(c-1) =(a-2)" +(6-1)" +(c~1) = -a+2b+5=0(2)
T (1) va (2) ta c6: Trung diém ABla 1(3;—1;1).
g A s AB
Tam giac ABM can tai M, suy ra: MI = = (a —3)2 +(b + 1)2 +(c —1)2 = 5(3)

Thay (*) vao (3) ta duoc:

(2b+2) +(b+1) +(-6-3b) =5 7b* +23b+18 =0 <> b=—2;b =
7

Véi b=-2=a=1,c=1=M(1;-21)
Véib=—23a=£;c=—§3M H;—2;—§
7 7 7 777

Vay diém M can tim la: M(1;-2;1) va M| Z;-2, 8,
7 7 7

Cau 47: Pap an B.

Vi diém C trén truc Ox nén C(t;O;O)

Ta cé: CA=(1-12;-1), CB=(-2-1£1;3)
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Tam giac ABC vudng tai C diéu kién la:

CACB=0&(1-t)(-2-1)+21+(-1)3+0 & +t-3=0 & Zj;ﬁ

Nhu vay C(-1-+/3;0;0) hoe C(-1++3;0;0).

Cau 48: Pap an D.

Gia st a co vtcp LTA:(a;b;c),a2 +0*+c¢*>0

ald <uu =0ca—b+c=0 (1)
|a—b—24

I+ 1+4Na +b7 + &

Tt (1):b:a+c thay vao (2) ta duoc:

(a,d,)=60" < cos60” = ©2(a=b-2c) =3(a* +b* +c*)(2)

18¢? :B[az+(a+c)2+c2}c>a2+ac—2c2 =0 (a—c)(a+2c)=0=a=cva=-2c.

+) a=c=>b=2c, chon c=13uj=(1;2;1)

x+1_y—2_5
2 1

+) a=-2c=b=-c, chon c=—1:>ut:(2;1;—1)

Ta cé a:

Ta co a: =

1 _y-2_z
1 -1

Cau 49: Pap an A.

Goi (P) la mat phang vudng gdéc véi hai mit phang 5x—4y+3z+20=0va

3x-4y+z-8=0.

Hai mp nay Ian luot c6 cac vtpt la u,v thi |:1jl,;)j| la mot vtpt ctia (P)

u=(5-4:3), 0=(3-41) = | 1;0] = (8;4,-8)

Suy ra phuong trinh cua ( p) :

8(x—2)+4(y—3)-8(z+1)=0 < 2x+y-2z-9=0.

Cau 50: Dap an B.

Mit cau (S) 6 tam 1(1;-2-1), bankinh R =+/14.Vi (Q)//(P)nén (Q)cé phuong

trinh dang: (Q):2x+3y+z+d=0, d=-11.

J14

Theo gia thiét (Q)cét (S) theo mdt duong tron cé ban kinh r = =Tnén ta
21 |a-3 [z
c6: d(1;(Q))=+R* -2 =\/:<:>—=\/:<:>d=3i7\/§
( ( )) 2 \/ﬁ 2
Vay c6 hai mat phang can tim la:

(Q)):2x+3y+2+3+743=0, (Q,):2x+3y+2+3-7/3 =0.

N | =
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DE ON LUVEN $0 10

CAu 1: D6 thi ham s0 bac 2 va d6 thi ham s6 bac 4
trung phuong c6 chung dac diém nao sau day:

A. Déu ton tai ca diém cure dai va diém cyee tiéu

B. Déu ¢4 tam déi xting

C. D06 thi ham s6 déu c6 dang parabol

D. Béu c6 truc doi xting
Cau2: Ham s0 y=x" -2x% +1:

A. Dong bién trén (1; +oo)

C. Dong bién trén (—oo; 0)

B. Nghich bién trén (-1;1)

D. Nghich bién trén (—1;0)

Cau 3: Trén khoang nao sau day thi ham s6
y=x"—2x —Inx nghich bién?

A. (-0;1) B.(0;1)  C.(L;4+0) D. (0;+0)
Cau 4: Ham s y = f(x) dong bién va c6 dao ham
trén K ; x,;x, € K. Khang dinh nao sau day ludn
dung?

A, f'(x).f'(x,)=1

B. f'(x))+ f'(x,)<0

C.x,>x, e f(x)< f(x,)

D. Néu f(x,)=3; f(x,)=-1 thi phwong trinh
y =0 cé nghiém thudc khoang (x2 ;xl)

Cau 5: Tong cua gia tri lon nhat va gid tri nho nhat

cia ham s§ y=x"-3x"-9x+35 trén doan

[—4;4] la:
A1 B.48  C-26 D.23
Cau 6: Hiy xéc dinh a,b d€ham s6 y=" bz ¢
X+
do thi nhw hinh vé:
Ay

5

3
\ O X N

2N 2| s 4
1

B.a=b=2
D.a=b=-2

A.a=1b=-2
C.a=1b=2

Cau 7: Cho ham s& y=%x3 —mx? —x+m+§ cod

do thi (C ) . Co tat ca bao nhiéu gia tri nguyén cua

m d€ d6 thi ham s8 (C) cat Ox tai 3 diém phan biét

cé hoanh do x,;x,;x, sao cho x; +x; +x3 <77?
Al B.5 C.7 D.0

Cau 8: GTLN ctia ham sd y =sinx(1+cosx) trén

doan [0;7] la:

A.0 B. C.1 D. —

2
Cau 9: D6 thi ham s6 y = f(x) c6 bao nhiéu diém

(3) V2
4

2 j—
6 toa do la cap s6 nguyén f(x)= X oxt2,
x+1
A.3 B. Khong c6

C.Vbsd D.6
Cau 10: T4t cid cic diém cuc dai cua ham s6
y=cosx la:

A x=n+k2n(keZ) C. x=k2n(keZ)

B. x =kn(k € Z) D.x=§+kn(keZ)
CAau 11: Tim GTNN ctia ham s6:

Fx)=v—x +4x+21 —-x> +3x+10

trén tap xac dinh.

A2 B2 C.3

Cau 12: Tap xac dinh ctia ham sd:
y= ln(—xz' +5x — 6) la:
B.[2;3]
D. (—0;2]U[3:+x)

D.A3-1

A. (2;3)

C. (—00;2) u(3; +oo)
Céau 13: Choham s6 y = x.e™*, ménh dé nao sau day
duang?

1 . 1
A. max y=—; min y=——
x€[0;+00) e xe[0;+x) e

B. max y=1; min y =0

x€[0;40) e x€[0;+»)

C. min) y= 1 ; khong ton tai GTLN
e

x€[0;+0

D. max)y=1; khong ton tai GTNN trén
e

x€[0;+0

[0:+2)
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Cau 14: Giai bat phuong trinh log,(x—2)<2.
A. xe(—0;6) B. x&(2;6]
C. xe(2;6) D. xe[-2;6)
Cau 15: S6 nghiém ctia phuwong trinh:
9" +23"-3=0 la:
A.0 B.1
C.2 D. V6 nghiém
Cau 16: Cho a>0;b>0 va a*+b*>=7ab. Dang

thitc nao sau day la dang?
a+b 1
A. log, 5 - E(log7 a+log, b)

B. log, H7Lb = %(log3 a+log, b)

C. log, # = ;(log3 a+log, b)

D. log % = %(log7 a+log, b)

7

n?x

Cau 17: Tim dao ham ctia ham s6 y =
x
., 2lnx-In’x . 2lnxx-In*x

-y
x? x?

Ay

, 2lnx+Inx ,
:T D. y :xx—

Cau18:Cho a>0;b>0;a-1;b#1;,neR" , mOt hoc
sinh tinh biéu thitc:

1 1 1
+

P =
log,b log b

Cy

theo cac budc sau:

I. P=log,a+log,a” +...+log, a"

II. P=log, aa*.a"

III P — logb a1+2+3+.,.+n

IV. P= n(n + 1)logb a
Ban hoc sinh trén da giai sai 6 budc nao?

Al B.1I C.III D. IV
Cau 19: Phuong trinh 4.3* +3.2* =12+ 6" ¢6 tong
cac nghiém bang;

A.3 B.6 C.-1 D.5
Cau 20: Cho bat phuong trinh 2! Tyt <
Chon nhan xét dang?

A. C6 duy nhat mét nghiém tw nhién cta x thoa

man bat phuwong trinh.

B. Tap nghiém ctia phuong trinh la tap con cua

A 2
t A=|=;3].

C. Tong cac gia tri x ban nguyén thoa man bat
phuong trinh 1a 4,5.

D. Gi4 tri nho nhét cua x thdéa man bat phuong

trinh 14 mot s6 hiru t.
Cau 21: Anh Son vay tién ngan hang mua nha tri
gia 1 i dong theo phuong thirc tra goép. Néu cudi
mbi thang bat dau tir thang tht nhat anh tra 30
trifu dong va chiu lai s6 tién chua tra la
0.5%/thang thi sau bao lau anh tra hét no?

A. 3 nam B.3 ndm 1 thang
C.3 ndm 2 thang D. 3 ndm 3 thang
Cau 22: Mot nguyén ham ctia ham s6:

f=x1+2 1a;

A. F(x)= %(W )3 B. F(x)= %(W )2

C. F(x)= %Z(W )2 D. F(x) =%(W )2

X =X

e —e

Cau 23: Nguyén ham cua ham s6 f(x) =—
e +e

la:

A.lnle" +e7*|+C B. +C

C. Inle* —e*|+C D. +C

ef+e”

Cau 24: Cho D la hinh phéng gi6i han boi cac
1 XX .

ﬁ;y=g(x) =?. Tinh thé

tich khéi tron xoay thu duoc tao thanh khi quay D

quanh truc Ox? Thé tich dwoc viét dudi dang

duong: y= f(x) =

T =mn” +nm;m,neR thi tong gia tri m+n 1a?
1 13 3

A.— B. — C. 2 D. —
2 20 5 5

2 3
Cau 25: Néu [f(x)dx=3 va [f(x)dx=4 thi
1 2

3
If(x)dx c6 gia tri bang:
1

A. -1 B.1 C.7 D.12
Cau 26: Dién tich hinh phang phan bdi den trong
hinh sau dwgc tinh theo cong thtkc:
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y}\
b >
0 |V ¢ '
A.S= }f(x)dx + jf(x)dx
B.S= jf(x)dx - _h[f(x)dx

C.S= j.f(x)dx

D. =

jf(x)dx

Cau 27: Goi S la dién tich hinh phéng giéi han béi
cacdd thi y = x> —3x;y = x . Vay Sbang bao nhiéu?
A.0 B.4 C.8 D.2

3+Inx
2

3
Cau 28: Cho I:I dx:a(ln3+l)+lnbvéi

1 (x + 1)
a,b e R. Tinh gia tri biéu thitc T =4a+2b.
A. 4 B.7 C.5 D.6
Cau 29: Thu gon biéu thirc z = (\/5 +3i )2 ta duoc:
A. z=11-6i B.z=-1-i
C.z=4+3i D.z=-7+6V2i
Cau 30: M6 dun ctia s6 phtic z=5+2i —(1+ i)6 la:
A510 B.J6l C.5 D. 55
Céu 31: Cho s6 phtic z théa mén [z —1|=|z—2+3i].
Tap hop cac diém biéu dién ctia s8 phtic z la:
A. Buong tron tam 1(1; 2) bankinh R=1
B. Duong thang cé phuong trinh x -5y -6=0

C. Duong thing ¢6
2x—6y+12=0

phuong  trinh

D. Duong thang cé phuong trinh x -3y -6=0
Cau 32: Cho cac nhan dinh sau (gia st cac biéu
thic déu c6 nghia):

1) S8 phtic va s6 phtic lién hop ctia nd c6 md
dun bang nhau.

2) V6i z=2-3i thi m6 dun cta z la: |z| =2+3i

3) SO phtic z 1a s thudn a0 = z=-z

4) Tap hop diém biéu dién s8 phtic z thoa man
‘z tz+ 1‘ =214 mdt dudng tron.

SO nhan dinh ding la:
A.2 B.3 C.4 D.1
Cau 33: Cho cac diém A, B, C trong mit phang toa
dd theo tht tu duwoc bifu dién boi cac sb:
1+1;2+4i;6+5i. S8 phtic bidu dién diém D sao
cho t¢ gidc ABDC la hinh binh hanh la:
A.7+8 B.-3+8 C.5+2i D.-3+2i

Cau 34: Cho z;z,;z,;z,1a bon nghiém cua

phuong trinh (ZZ — 1}4 =1. Tinh gia tri biéu thirc:
z—i
T=(z} +1)(2 +1)(z; +1) (2} +1).
A. 17 B. -7 C. 425 D.-425
9 9

Cau 35: Mot hinh thang can ABCD c6 cac canh day
AB=2a;CD=4a, canh bén AD=BC =3a. Hay
tinh thé tich vat thé tron xoay sinh boi hinh thang
d¢6 khi quay quanh truc d6i xtng ctia no.

o 140V2 o os6aN2 14 28a°\2

3 3 NE) 3

Cau 36: Cho hinh chép S.ABCD c6 ddy la tam giac
vuong can ABC tai B. Canh AC= a2 Biét
SA=SB=SC=a. Tinh thé tich kh&i chdp
S.ABCD?

A 22

6

2’2 c a3 23

12 6 12
Cau 37: Cho hinh lap phwong ABCD.A’B'C'D’.
Mit phang (BDC’) chia khéi 1ap phuwong thanh 2
phan co ti 1¢ thé tich phan nho so v6i phan 16n la:

Al Bl i D2

3 6 4 10

Cau 38: Cho hinh chép tit giac déu S.ABCD. Nhan
dinh nao sau day khong dang?

A. Hinh chép S.ABCD c6 céc canh bén bang

nhau.

B

B. Hinh chiéu vudng géc cua dinh S xuéng mat
phang day la tam ctia mat day.

C. ABCD la hinh thoi.

D. Hinh choép c6 cac canh bén hop v6i mat
phang day cling mot goc.
Cau 39: Cho hinh hop ding ABCD.A’B'C'D’ c6
day la hinh thoi dién tich S, cac t&t gidc ACC'A’
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va BDD'B' c6 dién tich lan lwot 1a S,,S, . Thé tich
khéi hop ABCD.A’B’C’D’ tinh theo S,,S,,S,1a?

55,5
A B. %,/slszss
C. [S5:S:5; D, V55,5

3 2
Cau 40: Trong ngay trung thu, bd ban Nam dem

vé cho ban Nam mét chiéc banh trung thu. Nam
rat vui vé vi diéu do, tuy nhién d€ kich thich tinh
than todn hoc ciia ban Nam, bd ban Nam dwa ra
mot bai todn nhu sau: Gia st chiéc banh c6 hinh
tru ding, ddy la hinh tron duong kinh 12cm, chiéu
cao 2cm. Ban Nam phai cat chiéc banh thanh 3
phan bang nhau, cach cat phai tuan thu quy téc.
Nam chi duoc cat dung 2 nhat, mat phang 2 nhat
dao phai vudng goc véi ddy va song song voi
nhau. Nhu vay, theo cach cat thi sé c6 2 miéng
giong nhau va mot viéc khac hinh tht, 3 miéng cd
cung chung thé tich. Hoi khoang cach gitra 2 mat
phang nhat cat gan nhat véi gia tri bao nhiéu?

A.35cm B.3cm C.32cm D.344cm
Cau 41: Cho hinh chép S.ABCD c6 day ABCD la
hinh thoi canh 4, mat bén SAD la tam gidc déu
nam trong mit phang vudng goc voi day,

a

SC= 76. Tinh thé tich khi chép S.ABCD ?
3 3 3 3
A.”‘/E B. L C.”ﬁ D.”‘/E
4 4 6 6

Cau 42: Cho m = (1;0;—1);;1 = (0;1;1) .Kétluan nao
sau day sai?

A mn=-1

B. mva ﬁkhéng cung phueong

C. |mn|=(1,-1,1)

D. Goc gitra 2 vecto mva nla 60°
Cau 43: Trong khong gian véi hé toa do Oxyz, cho
hai diém A(1;0;2),B(2;1;1) va mit phing
(P) :2x +y—2z+4=0. Viét phuong trinh ctia mat

cau (S) c6 tam I nam trén duong thang AB, ban

kinh béng 4 va ti€p xtc véi mat phang (P); biét
tam I c6 hoanh d6 duong.
A (x=2) +(y-1) +(z-1) =16

B. (x-1) +y*+(z-2) =16

2 2 2
C. x+2 + y+E + z—% =16
5 5 5

D. (x-3) +(y-2) +2* =16
Cau 44: Trong khong gian Oxyz cho mit phang (P)
c6 phuong trinh: x+y—-2z—-6=0. Mdt cau (S) cd
tam la goc toa d6 O va tiép xtc véi mat phang (P),
H la tiép diém cta (S) va (P). Nhan xét nao sau day
dang?

A. M3t cau (S) c6 ban kinh bang 6

B. Khoang cach tr H dén mat phang
(Q):2x+y+2z-5=01I1a2

C.Véi a=(2;1;-2)thi OH.a=0

D. Hoanh d6 ctia H nhan gia tri am
Cau 45: Trong khong gian Oxyz duong thang d di

qua gdc toa do O va cd vecto chi phuong ;1(1,‘ 2; 3)

c6 phuong trinh:
x=1 x=1
A.d:qy=2t B.d:qy=2
z=3t z=3
x=t x=-t
C.d:qy=3t D. d:qy=-2t
z=2t z=-3t

Cau 46: Trong khong gian Oxyz, cho ti dién
ABCD véi A(1;6;2),B(5;1;3),C(4;0;6),D(5;0;4),
phuong trinh mat cau (S) c6 tam Dva tiép xuc
v6i mat phang (ABC ):
8
A (S):(x+5) +y7 +(z+4) =3
8
223
16
223

16
223

B. (S):<X—5)2 +y° +(z—4)2 =
C. (S)Z(X—5)2 +y° +(z—4)2 =

D. (S):(x+5)2 +y’ +(z+4)2 =
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Cau 47: Trong khong gian Oxyz, mit phang song

: - 1
song v&i hai duong thang Alzx 2 :&:E;
2 -3 4
x=2+t
A,:3y=3+2t c6 mdt vecto phap tuyén la:
z=1-t
A. n=(-56;-7) B. n=(5-6;7)
C. n=(-5-6;7) D. n=(-567)

Cau 48: Trong khong gian Oxyz, cho diém
M(O;Z;O) va hai duong thang d;d, c6 phuong
x—l_y—2_z+1‘d x=3_y+l =z
2 =2 1'% 2 2 1

Viét phuong trinh mit phang (P) di qua M, song

trinh: 4, :

song voi truc Ox, sao cho (P) cit d;d, [an lwot tai
A, Bsaocho AB=1.
A. z=0
C. —4y+z+8=0

B. x+2y-z-4=0
D. x+2y+z-4=0

Cau 49: Trong khong gian v6i hé toa do Oxyz cho

hai mit phang (P):2x+y—z—3=0 va
(Q) :x+y+z-1=0. Phuong trinh chinh tic cta
duodng thang giao tuyén ctia hai mat phang (P) va

(Q)lé:

ﬁzy_—2:z_+1 B x+1:y—2:z—1
2 -3 1 2 -3 1

C. x—1=y+2=z+1 .ﬁzy_-l-Zzz_—l
2 3 1 2 3 1

Cau 50: Trong khong gian vdi hé toa d6 Oxyz, cho
mit phang (P):3x -3y +4z+16 =0, dudng thing
x-1 y+3 z
1 2

diém thudc duong thang d, B 1 hinh chiéu ctia A

d

‘15 vadiém M(2;3;1).GoiAla

trén mat phang (P) Tim toa d6 diém A biét tam

gidc MAB can tai M.
A. A(3;1;3) B. A(1;-3;5)
C. A(2;-1;4) D. A(0;-5;6)
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STUDY TIPS
Luu y bai todn bat tim tng
GTLN va GTNN chtt khong
phai tong gid tri cuc tiéu va
gia tri cuc dai, can cha y
diéu nay dé€ tranh sai sét
khéng dang co.

PAP AN
1D | 2A | 3B | 4D | 5A | 6C | 7D | 8B | 9.D | 10.C
11.A | 12.A | 13.D | 14.C | 15B | 16.A | 17.A | 18.D | 19.A | 20.C
21.B | 22.A | 23.A | 24B | 25.C | 26.A | 27.C | 28.A | 29.D | 30.D
31.D | 32.A | 33.A | 34.A | 35.A | 36.B | 37.D | 38.C | 39.A | 40.C
41B | 42D | 43D | 44B | 45D | 46.B | 47.D | 48.C | 49.A | 50.A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Cau 2: Dap an A.
Nhitng bai todn dang nay ching ta nén ké bang bién thién dé tranh nham 1an.
Tacod: y'=4x’ —4x* suyra y'=0<x=0;+1

Bang bién thién:

—0 -1 0 1 +00
Y - o + 0 - 0

+
y | 4o 1 +00
\ 0 / \ 0 /
Nhin vao bang bién thién chung ta cé thé thdy dap an A la chinh xdc.

Cau 3: Pap an B.

Chu y diéu kién xac dinh cua ham s6 da cho la: D = (O; +oo)

3 _ oy _ 2
y'=3x2—2—1=3x 2x—1_(x=1)(3x" +3x+1)
X X X

y'=0=>x=1.

Ké bang bién thién ta thu dwgc két qua ham s6 nghich bién trén (0;1).

Cau 4: Pap an D.

A,B,C déu sai vi tir dé bai cho ham s6 y = f(x) dong bién trén K ta cd thé suy ra
f'(x) >0VxeK

x >x, < f(x)> f(x,)

Cau 5: Pap an A.

Tacd y'=3x> —6x-9

cac diéu sau: {

) x=3e [—4;4]
Phuong trinh: y'=0<3x" -6x-9=0<
x=-le[-4;4]
Tinh cac gia tri: y(—4)=—-4Ly(-1)=40;y(3)=8;y(4)=15.
So sanh cac gia tri ta suy ra GLTN 1a 40 va GTNN la -41. Téng can tim la -1
Céu 6: Dap an C.

Ta thay hai toa d6 hai giao di€ém ctia d6 thi ham s6 da cho v6i hai truc toa do nén

2
E:_l a=1
ta dwgc hé phuong trinh =
~2a+2 _ 7 [b=2
-2+b

Cau 7: Pap an D.

Phuong trinh hoanh d¢ giao diém: %x3 —mx® —x+m +§ =0
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<:>1x3—1x2+ 1—m X - 1—m x— m+2 x+m+2=0
3 3 3 3 3

3
1, (1 2 =1
1) =22 +| 2 —m |x—m—2|=0
<:>(X ){3X (3 m]x m 3] = %x2+(%_mjx_m_§:0(*)

Dé m thoa man diéu kién dé bai thi phuong trinh (*) ¢6 2 nghiém phan biét x,;x,
déukhdc1vax] +x2<6.

Ap dung Vi-et ta co:

2
1 2
x, +x,=3m-1x,x,=-3m-2< A:(g—m] +4.§.(m+§)>0

STUDY TIPS
Sai Iam thuong gdp: Khong m#0
chi y dén diéu kién , 2 m=0 1 ) 1
phuong trinh (*) <6 2 < m +§m+1>0 @{9m2<1<:>ﬂ16|:—§,§:|\{0}
nghiém phan biét nhung 2
phai khic 1 (3m-1) +2(3m+2)<6
Vay khong c6 gia tri nguyén cua m thdéa man.
Cau 8: Pap an B.
Viét lai: y =sinx(1+ cosx)=sinx + sin2x
C6: y'=cosx+cos2x =2cos’ x+cosx—1
cosx = 1
y=0& ~ 2 . Trén doan [0;n] thi phuong trinh y'=0 cé nghiém la
cosx=-1
T
X=—;X=T.
3
Tinh cac gia tri y(O) ; y(%} Y (n) ta duoc gia tri 16n nhat cta ham s6 la ¥ khi
T
x=—.
3
Cau 9: Pap an D.
2 j— j—
Ta c6 thé viét lai f(x)dudi dang: f(x)= ¥ Ax-2x-ot4 5, A
x+1 x+1

Nhén thay toa do diém la cdp s6 nguyén thi x nguyén va x+1 la wdc cta 4.

Suy ra s6 diém chinh la s6 nghiém cua 4. Vay c6 6 diém thudc d6 thi f (x) cé toa
do la cdp s6 nguyén

Cau 10: Pap an C

biéu kién d€ x 1a diém cuc dai ctia ham s& y = cosx la:

{y (x):O @{Sinx:o & x=2kn(k € Z)
y"(x)<0  |cosx>0

Cau 11: Pap an A.
Day la mot bai toan tuy khong qua khé nhung doi hoi kha nang bién déi chinh xac.
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STUDY TIPS

Dé&i véi nhitng cau dé nhuw
thé€ nay, thi sinh can tranh
sai sot khong dang c6, o bai
toan nay mot vai thi sinh
quén khong d€ y dén diéu
kién xac dinh dan dén chon
dap an A.

Tap xac dinh D = [—2;5]

, x-2 2x—3
) =- .
J=x® +4x+21  240=x% +3x+10
Fx)=0e 2x -3 x—2 "

- +3x+10 V- +4x+21
bén day chung ta co thé st dung chitc nang cua mdy tinh dé€ tim
nghiém. Dudi day ching t6i sé trinh bay ca hudng st dung mady tinh va ca giai
day du.

2x—-3 _ x-2
2J-% +3x+10 -x®+4x+21

Bam [SHIFT| [SOLVE| sau d6 an mét sd bat ki va an =. Man hinh cho két qua

x=0.333333333333 titc x = % .

SD My tinh: Nhap man hinh biéu thtc

Thit v6i cac gid tri khadc nhau trén D=[-2;5] ta déu thu duoc két qua
x=0.333333333.

Thtt lai ta thdy f '[%J =0.

So sanh cac gia tri f(-2); f(5) va f[%] ta thdy min f(x)= f[%] =2.

Tuy nhién cch lam nay con nhiéu han ché vi chting ta chua thé chac chan tim
duoc hét nghiém cua phuong trinh f'(x)=0.
Bién d6i thong thuwong:
()= X —dxtd 4 -12v49 AN —drrd) (' +3x+10)
—x* +4x+21  4(-x*+3x+10) = (4x2 —12x + 9)(—x2 +4x+ 21)

1
x=—=
&5 -104x+29=0 | 3 Thirlai chi co » =%1a nghiém.

17
So sanh cac gia tri f(-2); f(5) va f[%] ta thady min f(x)= f[lj =2.

Cau 12: Pap an A.

biéu kién —x* +5x-6>0=>2<x<3

Cau 13: Pap an D.

Ham s6 da cho lién tuc va xac dinh trén R.
Ap dung cong thiic (uv)' =u'v+uv'
suyray'=e " —xe ‘=e(1-x);y'=0=x=1

Ta 6 lim =—osuy ra ham s6 khong ton tai GTNN

X—>—0

. 1 1
lim =0;y,, =— suy ra max y=—.
e

x>0 M e xe[0;40)
Cau 14: Pap an C.
Diéu kién: x>2 ©x-2<2’=4 < x<6
Vay 2<x<6.
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Cau 15: Dap an B.
TXDb: D=R.

Phuong trinh: 9" +2.3' ~3=0 & (3°) -3 +3.3* ~3=0

3 =1
=
3* =—3(VN)

& (3 -1)(3"+3)=0 @{

Vay phuong trinh c6 duy nhat 1 nghiém.
Cau 16: Pap an A.
Tt diéu kién ta suy ra:

2
az+bz+2ab:9ab<:>(a+b)2 =9ab @(isbj =ab

2
< log, [a—;bj =log, ab < 2log, (&;j =log,a+log,b

Cau 17: Pap an A.

Ap dung cong thikc (EJ' =w ta co
v v
. (n*x)' . x—x'.In"x , 2lnx-In*x
= 2 Ly :—2
x x

Cau 18: Dap an D.

. n(n+1)
Vil+2+3+..+n=

nhung theo bién d6i y D thi 1+2+3+...+n=n(n+1)

Cau 19: Pap an A.

Ta st dung phuong phap bién ddi twong duong:

437 +32°=12+6" < 4.(3° ~3)+2°(3-3") =0

2 =4 {x =2
=

x=1

e (2 4)(3 ~3)=0 @[Bx -

Cau 20: Pap an C.

Tap xdc dinh D = (0; +oo)

Dit log, x=t < x=2" suyra 2" +(2’)r <8

=2' 12" <8 o2 <426 25142
@—\/Eglogzxsx/ic&’ﬁ <x<2?®

Két hop véi diéu kién suy ra tap nghiém la: [Z’ﬁ ;25}

Dap an A sai vi ¢6 2 gia tri tg nhién ciax1a 1va2.

Dap an B sai vi 22 <§.

Dap an C dang vi cac gia tri x ban nguyén la 0,5;1,5 va 2,5.

Dép 4n D sai vi 277 1a mot s8 vo ti.

Cau 21: Pap an B.

Goi 1 1a s0 thang anh can tra voi n tie nhién.
Sau thang th nhat anh con no:

S =10°(1 +0;5) —30.10° =10°.1,005 - 30.10° dong.
! 100
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STUDY TIPS
Pay la mot bai toan kha
khé, doi hoi thi sinh phai
biét duing cong thirc va viéc
stt I tich phan khéo léo.

Sau thang thit hai anh con no:
S, =5,.1,005-12.10° :(109.1,005—30.106).1,005—30.106

2 p—
=10".1,005" — 30.106.M dong
0,005
Tiép tuc qua trinh trén thi s tién anh Son con ng sau n thang sé la:
1 -1
S, =10".1,005" - 30.106.% =0=1,005" =1,2=n=log, ,; 1,2 ~ 36,555

Do d6 sau 37 thang sé tra hét no tirc 3 nam 1 thang.

Cau 22: Dap an A.

Chting ta c6 thé thir bing cach tinh dao ham cac dap an va f(x)=xv1+x" tai
cung mot gia tri d€ chon dap an dung.

Dai v6i cach 1am truc tiép, day 1a mot dang kha c6 dién ctuia bai tap nguyén ham.
Dit Vx? +1=t>0 x* +1=1t* < xdx =tdt

Nguyén ham can tim c6 thé viét lai bang:

jx\/x2 +1dx = jt.tdt = jtzdt =§ -

Cau 23: Pap an A.

Twong tu nhu bai todn trén, bai toan nay cting c6 cach thir twong tu, tuy nhién
d6i khi viéc thir lai ton thoi gian hon viéc lam truc tiép.

Sau day la cach lam truec tiép:

Dat e +e™ —t:(e —-e )dx dt

Nguyén ham can tinh: I d —I——ln|t|+C e*+e |+ C

e’ +e’
Cau 24: Dap an B.

1 x2 x=1
Xét phuong trinh =
P 8 1+x* 2 L =-1

1
Nhu vay, thé tich can tim sé duoc tinh theo cong thirc: V == I ‘ f? (x)— IS (x)‘dx
3
ey & Pl ot
V=nJ.( j el ] e [ -
S\ T+ x 4 L A+x7) c 4
1 o 1 1 1
I =T ﬁdx——
1(1+x ) 20| JLa+x?? 10

V= Ttl——

VOI j. dx
L1+ x?

dt = (1+ tan’ t)dt

Tinh I: Bat x =tant,te _—R;E =dx=
2 2 cos? t

i 2 3 i
Ta c6 thé viét I lai dudi dang: [ = ILntﬂit I cos’ tdt = 1 _[ (l+ cos2t)dt
_g(1+tan2t) n 2_3
4 4 4
2
IV BT
4 2 4 2 10| 4 5
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STUDY TIPS
Pay la mot bai toan kha
don gian nhung cé thé gay
kho khan véi mot vai thi
sinh khong nhé ding cong
thtec.

STUDY TIPS
Diém maiu choét d€ xur i
nhanh bai todn ndm & viéc

dat o= ——+1=—F Mot
x+1 x+1

s0 thi sinh chon dap an B vi
khi lam dén 1=Z(1n3+1) ~In2
khong d€ y ddu nén suy ra
ludn a =Z;b =2dAn dén két

qua sai.

STUDY TIPS

Mot s6 sai Jam trong qua
trinh bién d8i c6 thé dan
dén dép 4n sai la B hodc C.
Néu nhu st dung phuong
phép khai trién truc tiép ra
nhép thi bai toan nay tén
kha nhiéu thoi gian khi di
thi, thi sinh cé thé& sé bi
khong du thoi gian lam
nhitng cau khac.

Cau 25: Pap an C.
c b c
O day ta &p dung cong thirc: ff(x)dx = jf(x)dx + jf(x)dx
a a b
Cau 26: Pap an A.
Cau 27: Pap an C.
Trudc tién ta phai tim giao diém ctia hai d6 thi y=x>-3xvay=x.
x=0
Phuong trinh hoanh d6 giao diém la: x* —3x=x < x(x* —4)=0| x=-2
x=2

Do dé: S= ]l‘x?’ —4x>dx+j-‘x3 —4x‘dx= j)-(x3 —4x)dx+j-(4x—x3)dx =8.
5 0 0

Cau 28: Pap an A.
O bai todn nay mdy tinh dwong nhu khong gitip dugc nhigu trong viéc giai quyét

bai toan, day la bai toan st dung phuwong phap tich phan thanh phan ¢ muac do

van dung.
u=3+Inx uzd_x
bty  dxr o *
et g P I
(x+) x+1 x+1

b b
Ap dung cong thtic tinh tich phan thanh phan I udv = uv|z - I vdu thi ta duoc:

a

3
=(3+lnx)x| _-3[ dx =(3+1nx)x| —ln(x+1)‘3
x+1 L 1 x+1 x+1 L 1
{M—EJ—(lnzx—lnz)=§(1n3+1)—1n2=§(1n3+1)+1n(1j
4 2 4 4 2

Vay a=%;b=%:T=4a+2b=3+1=4.
Céu 29: Pap an D.
Sir dung méy tinh & ché &6 CMPLX. Nhap man hinh biéu thite (V2 +3i) va 4n
“=" ta duoc két qua z=-7+ 63/2i.
Cau 30: Pap an D.

Nhiéu thi sinh to ra ling ting trudc biéu thire (1+i )6 , néu nhu day la bai tu
luén thi cac bude khai trién biéu nay kha dai va phtic tap, tuy nhién chung ta c6

thé sit dung mdy tinh dé cé két qua chinh xac.
Mot lru y la may tinh khong thé tinh dugc lay thira bac 4 trd 1én ctia mot s6

2
phtic. Do d6 ta phai tinh gian ti€p qua 2 bude. Vi (1 +1i )6 = [(1 +i )3} nén ta sé tinh
(1 +1 )3 truede roi tinh binh phuong ctia gia tri vira tim duoc.
Stt dung may tinh Casio ta tinh duoc: (1 + i)3 =2+2i = (1 + i)6 = (—2 + 21')2 =-8i

Vay z=5+2i-(1+i) =5+2i—(-8i)=5+10i = || =5* +10* =+/125 =55

Cau 31: Pap an D.
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STUDY TIPS
Sai Jam thuong gap: Nham
chieu vecto: AB=DC din
dén lya chon déap an C.

STUDY TIPS
Déi v6i bai toan nay, co 1&
Casio hay Vinacal cling “bd
tay”. Mot s6 ban thi c6
hudng lam dung nhung lai
chon dap an C vi ngay tt
dau khi dit f(z) dakhong

co hé sd 15 o dau.

V6i z=a+bi(a,beR) thi theo dé bai ta sé cé:
la—1+bi|=[a-2+b+3)i| & (a-1) +8* =(a-2) +(p+3)

Sa*-2a+1+b*=a" —4a+4+b>+6b+9

& 2a+6b+12=0=x-3y-6=0

Vay tap hop cac diém biéu dién s6 phtic z 1a duwong thang x—3y—6=0.

Cau 32: Pap an A.

Céc nhan dinh dung 1a 1; 3.

Phuong an A dung vi ca s6 phtic va s6 phtic lién hop déu cé mo6 dun la Ja? + b2
Phwong an B sai vi md dun cta sd phiic |Z| \22+3 =13 ,con 2+ 3i las6 phtrc
lién hop cta z.

Phuong an C ding vi: z =bi;; =-bi;bi= —(—bi) oz=—z.

Phuong an D sai. Vi z=a+bi(a,b € R) thi ta cé:

a=

1
z+z+l=a+bi+a—bi+1=2a+1 :>‘z+;+1‘=|2a+1|=2: 2

-3
a=—
2
Nhu vy tap hop diém biéu dién s6 phtic z la hai duong thang song song chit
khong phai mot duong tron.
Cau 33: Dap an A.
Tir dir kién d@ bai ta suy ra: A(1;1);B(2;4);C(6;5)= AB=(1;3)
Dt s8 phtic z biéu dién diém D la: z=a+bi(a,b € R) thi D(a;b) CD= (a—6;0-5)
Tt gidc ABDC la hinh binh hanh nén AB=CD
a-6=1 a=7 )
= = & z=7+8i.
b-5=3 |b=8
Cau 34: Pap an A.
Day la mot bai toan sd phitc 6 mic dd van dung cao khd hay va khé. D€ giai

quyét can sy tinh y va can than trong tirng budc giai.

4
Tk phuwong trinh (22_1‘j =1, ta suy ra: (22—1’)4 _(Z_i)4 =0
z—1i

bat f(z)z(Zz—z) ~(z- ) 15(Z_Zl)(Z—Zz)(z—z3)(z—z4)
Vi =-1=2"+1=2"-i" =(z—i)(z +i)

=T =[(5-1)(z ~i)(z, -z -) [<z1+z>z #i)(z,+1)(z,+1)]

@ T=[(i-z)(i-2)(i-z)(i-z)][(-i-2)(-i-2)(--2)(-i-z)]
or ) ) f() (=)

15 15 225
Tinh cac gid tri f(i); f(~i).
(i) == (=)' = (=)' =8| __ 585 _17
(=) =(-2i-i) ~(-i-1)* =85 25 9
Cau 35: Dap an A.
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E Goi AD va BC cét nhau tai E. 2AB=DCnén AB la duwong trung binh AEDC
=ED=2AD=6a.

Goi H va K Tan luot 1a trung diém AB va CD thi ta ¢6 EK vudng goc véi CD va
HK la truc d6i xting ctia ABCD.

4 HO\
EK =VED*~DK* =4ay2 ; EH =X 22412
Khéi nén xoay sinh boi hinh thang ABCD khi quay quanh truc ctia n6 chinh la
phan thé tich nam gitra 2 khdi non:

D K C + Khéi non 1: C6 day la hinh tron tam K, ban kinh KD =2a, duong cao

EK=4av2.
+Khoinén 2: Co day 1a hinh tron tam H, ban kinh HA =a, duong cao EH = 2a2

- 14a3f

Do do thé'tich can tim la: V =V, -V, =.(20)" mda2 - —a”

Cau 36: Pap an B.
Goi M la trung diém AC thi M la trong tam, truc tdm tam giac ABC.
SA=SB=SC=a nén SM L(ABC).

Vi aABC vudng can tai B, AC=a+/2 nén
BA=BC=a.

1 2

=S BABC—

ABC

SM =+/SB* - BM?* = / — —Do dé thé tich cAn tim la:

3
y=1 SABCSM—la—iza 2.
3 32 2 12
A B L,
. Cau 37: Dap an D.
c Nhin vao hinh vé ta c6 thé thay 2 phéan ctia hinh lap phuong ABCD.A’B’C’D’ chia
b boi mat phing (BDC’) gom hinh chép BCC'D va phan lai.
| . Ve
Tilé cantinhséla T = et
A/: ,,,,,,,,,,,,,,,,,,,, Viscoamen = Vacen
) ¥ Giastrhinh lap phuong cé6 canhlal =V, . cp =1 =1
D c’ Hinh chép BCC'D c¢6 day la tam gidc vuong can DCC’, dinh B, duong cao BC.
1 1 1
=V .BC.S ==111l.—-=—
STUDY TIPS secn = e s 2 6
Sai Jam thuong gap: 1
Tinh nham gia tri T 6 _ l _ i
r-—Vieo  gin dén .1 510
VABCDA'B'C'D' 6
dap an B.

Cau 38: Pap an C.
Hinh chép da giac déu: la hinh chép c6 day la da giac déu va hinh chiéu ctia dinh

xudng day trung voi tam cua day. Nhu vay hinh choép t¢ giac déu S.ABCD c6
day la hinh vudéng ABCD va hinh chiéu ctia S xudng ddy la tdm hinh vudng
ABCD.

Cau 39: Dap an A.
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Goi day cua hinh hop c6 do dai 2 duong chéo la AC =4; BD =bva duong cao
STUDY TIPS hinh hopla AA'=BB'=c

Day la mot bai toan khong 1 b2

khé nhung dé gay nan d&i Suy ra duwoc S, =Eab ; S,=AC.AA'=ac; S,=BD.BB'=bc = S5,S, =

véi nhitng thi sinh lwoi bién

e 7 o e [5,5,9
o T tich khéi hop la: V =sl.c=1.abc=i.\/“ be \/ 1220
2 2 2
Cau 40: Pap an C.
Thuc chat bai toan 1a chia hinh tron thanh 3 phan bang nhau nhw hinh vé:
A Vi cac miéng banh c6 cung chiéu cao nén dién tich ddy cua cac miéng banh phai
S, . .
bang nhau va bang %dién tich chiéc banh ban dau.
S1 S3
0 < T.OA?

Trong hinh vé thitac6 OA=0B=6va S, =S,=S,= =12xn

Dat @zae(O;n) thitaco: S, +S
B

\/ 2

o 12n+%.OA.OB.sinoc _OAm

S

“OAB — OAB

— o < 12n+18sina =18ca..
T

St dung chic nang ‘SHIFT‘ |SOLVE| trén mdy tinh ta tim dwoc gia tri
o ~2,605325675 .

Khoang cach 2 nhat dao la: x =OA. cos%.Z ~ 3,179185015.

Cau 41: Pap an B.
Goi H la chan duong caoha tit S cia tam giac déu SAD.

a3

Suy ra: 5H=T va SH 1 (ABCD)

a3

Trong tam giac vuéng HSC ¢6 HC = —

2 2
a e 3a
— 2 2 2 - -
cosHDC=PH +DC —CH™ _ 4 4 1 pgpe—eo.
2DH.DC )8 2
—.a
2
. 2
Suyra S,,., = DA.DC.sin ADC =2 f
1 1a3 223 1,
VS.ABCD ZESH‘SABCD ZET > =—a .

Céu 42: Pap an D.
Luu y rang goc gitta hai vecto nho hon hodc bang 180° con géc giita hai duong

thang nho hon hoéc béng 90°. O day, goc giita hai vecto duoc tinh theo cong

thirc COS m n — ( ) 120°.
\m\ \ 2

Céau 43: Pap an D.
Vecto chi phwong ctia duwong thang AB la AB= (1; 1; —1) .

x=1+t
Phuong trinh tham s& cua duong thang ABla: sy =t  (teR)
z=2-t
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Goitam I(1+¢t,t,2—t)e AB; (t >-1).

STUDY TIPS Z(TM)
A A . , N A , 5t + 2 = 12
Day la mot bai toan khéng  (S) ti€p xtic mp (P)@d([;(P)):4<:>5t+2:12<:> = 14
khé nhung lai ton thoi gian S5t+2=-12 t= —?(L)

trong qua trinh lam bai.

Phuong trinh mat cau (S) can tim: (x - 3)2 + (y - 2)2 +z°=16.

Cau 44: Dap an B.
Ta co O(O;O;O), do méit cau (S) c6 tam O va tiép xuc voi mp(P) nén ta co:
R=d =¢=\/g. Vay phuong an A sai.

(O’(P)) ’12 + 12 + (_2)2
Goi H 1a hinh chiéu vudng géc ctia O trén mp (P), H chinh 1a tiép diém cua mat
cau(S)vamp(P).
DPuong thang OH di qua O va vudng géc mp (P ) nhan 71=(1,1,-2) la vecto phap

x=t
tuyén ctia mp (P) lam vecto chi phuong, pt duong thang OH c6 dang: {y =t
z=-2t
HeOH = H(t,t,-2t)
Talaic6 Hemp(P)=t+t-2(2t)-6=0<t=1.Vay H(1,1,-2)
Vay hoanh d6 cua H c6 gia tri duong, OH.1#0 va khoang cach tv H dén
(Q):2x+y+2z-5=01Ia2.
Cau 45: Dap an D.
Cau 46: Dap an B.
Cau 47: Pap an D.
Tur dé bai ta suy ra 1, =(2;-3;4);u,, =(L2-1).
Vi mit phéng can tim song song véi hai dwong da cho nén tich c6 hudng ctia hai
vecto trén chinh 1 vecto phap tuyén ctia mat phang d6
=n= [;t:,;;] = (—5,‘6;7) .
Cau 48: Pap an C.
Gia stt c6 mt phang (P) thda yéu cau dé bai thi ta co:
Aed = A(1+2t2-2t;-1+t)
Bed, = B(3+21;-1-21;1)

AB=(2(1-1)+2;-2(1- 1)~ 3;(I-t)+1)

I—t=-1
B> =9(1-t)>+22(I-t)+14=1< 13
9
N&ul—t =1 thiz= AB = (0;-1,0) = VIPTnw, =| AB;i|=(0;0;1)
Phuong trinh mdt phang (P): z = 0 (loai vi (P) chita Ox)

Néu I-t=-13/9= AB=| =3, =L. 24| & vIpTe = [AB;?}: 0,— 2.1
999 99

Phuong trinh mét phang (P):- 4 y+z+8=0 (thoa dé bai nhén).
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Cau 49: Dap an A.

Goi ula vecto chi phuong ctia duong thang giao tuyén ctia hai mat phang (P)

va (Q) :{iu_nl:;tz[;l;;;]z(Z—&l)

uln,
Nhu vay dap ap chi c6 thé A va B.
Mbt duong thang c thé cé nhiéu dang phuong trinh chinh tic nén dén day thir
dap an la t6i vu hét.

Trén mdi duong thang 14y mot diém va thir xem diém d6 cé thudc hai mit phang

khong.

)Ly diém A(-1,2;1) thudc dudng thing 1 y__; = ! thi A khong thuge
mat phang (P) .

+) Ly diém A(0;2;-1) thudc dudng thing g = y_—_; = ZT” thi nhan thay
A(O; 2;—1)thu(§c ca hai mat phéng (P)Vé (Q)

Vay duong thang can tim la: % = y_—_32 = ZTH

Cau 50: Dap an A.
Goi H la trung diém AB va A'la diém d6i xtiing ctia A qua M.
MH//A'B

Khi d06:
MH 1 AB

= A'BLAB = A'e(P)

Vi M 14 trung diém AA nén A’(—t +3;-2t+9;t— 3)
Ma A'e(P)=t=2= A(3;1;3).
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BE ON LUVEN SO 11

Céu 1: Cho ham s6 y =2x+3v9—x>. Gia tri nho
nhét ctia ham s6 bang:

A. -6 B. -9 C.9 D.0
Cau 2: Tim tap hop tét ca cac nghiém ctia phuong

trinh (ijyl = (2\/5 )M .

SRS

Céau 3: Choham s6 y = . D6 thi ham s6 ¢6

x—1
mdy tiém can?
Al B.0 C.2 D.3
Cau 4: D6 thi ham s6 nao dudi day khong co tiém
can ngang?

A y=x+vx’ -1 B. y= X

2

x—1
xX+2 xX+2

C. = D, =
Y 21

Cau 5: Cho ham sé:
y=(m-1)x>+(m-1)x* +x+m.
Tim m d&ham s6 dong bién trén R.
A.m>4,m<1 B.1<m<4
C.l<m<4 D.1<m<4
Cau 6: SO nghiém thuc ctia phuwong trinh
2log, (x—3)= 2+log 5+3-2x la:
A.2 B.0 C.1 D.3
Céu 7: Cho s6 phuc:
z=(1+ i)2 +(1 +i)3 +o+ (14 i)22 . Phan thuc cua
sO phtrc z la:
A. 2" B. 2"+2 C. 2" -2 D.2"

Cau 8: Tap hop cac diém béu dién cac s6 phtic z

thoéa man phan thuc cua Z—_l bang 0 la duong
z—i

tron tdm I, ban kinh R (trtt mot diém):

PN e IS S S W [ SR
22 2

2 2 2
c L) gl poffL1) gL
2'2 2 2'2 J2

Cau 9: Tim nguyén ham [ = I(2x—1)e”‘dx.
A. I=—(2x+1)e™+C B. I=—(2x—1)e " +C
C.I=—(2x+3)e™+C D.I=—(2x-3)e " +C

Cau 10: Trong khong gian voi hé toa do Oxyz,
cho mit phing (P) :x+2y-2z+3=0. Khoang
cdch tir diém A(1;-2;-3) dén mit phing (P)
bang:
A.2 B. 2 C. 1 D.1
3 3
Céu 11: Trong cac hinh néi tiép mat cau tam [

ban kinh R, hinh hdp cé thé tich 16n nhat bang:

8 8 \/g
A 2R B. 2R C.X2R* D.JSR®
3 3.3 33

Cau 12: Cho tir dién déu ABCD canh a. Tinh
dién tich mat cau ndi tiép t dién ABCD.

2 2
A, g=2m B. 5=
6
C. 5=z D. S=na®
24

Cau 13: Khoang cach gitra hai diém cuc tri caa d6
thi ham s§ y = %x3 ~x* —x~1 bang:

= 25 10V2 ) 2J10

B. D.
3 3 3 3

Cau 14: Tim dién tich hinh phéng gi¢i han boi cac

dudng y=(x-1)e’,y=x"-1.

A.S:e+§ B.S:e+E
3 3
C.Sze—E D.Sze—§
3 3

Cau 15: Cho hinh chép SABC b
SA=SB=SC=a, ASB=60", BSC=90",
CSA=120". Tinh thé tich hinh chép S.ABC.

248 248

A-V: B.V:

12 4
3 3
C.V:@” D.V:€a

Cau 16: Cho hinh lap phwong ABCD.A'B'C'D'
canh a. Tinh thé tich khéi nén ¢é dinh 1a tAm
hinh vudéng ABCD va day la duwong tron noi tiép
hinh vuéng A'B'C'D".

A V=g B.v=1p
12 6
T 3 47[ 3
C.V==u D.V=—
4 3
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Cau 17: Tinh dién tich hinh phang giéi han béi
d6 thi ham s8 y=(x—1)¢*, truc hoanh va cc

duong thang x=0,x=2.

4 2 4 2
A-e_+e__§ e e 3
4 2 4 4 2 4
et e 3 et e 3
4 2 4 4 2 4

Cau 18: Trong khong gian véi hé toa d6 Oxyz,
cho mét cau ¢ phuong trinh:
x> +y*+2z° - 2x+4y-6z+9=0.

Tim tAm [ va ban kinh R ctia mat cau?

A. I1(-1,2;-3) va R=+5

B. I(1,-2;3) va R=+5

C. I(1;-2;3) va R=5

D. I(-1;2;-3) va R=5
Cau 19: Tinh dao ham ctia ham s8 y=e* .

2 x*-1

A. y'=2xe" B. y'=x"
C.y' =xe' D. y'=2xe""!

Cau 20: Trong khong gian voi hé toa do Oxyz,

cho hai diém A(-1,2,-4) va B(1,0;2). Viét

phuong trinh dwong thang d di qua hai diém A

va B.

A‘d:x—1:y+2:z—4

1 1 3
B-d:x+1=y—2=z+4

1 1 3
C.d:x+1:y—2:z+4

1 -1 3
D‘d:x—1:y+2:z—4
-1 3

Cau 21: Tim tap nghiém cta phuong trinh
2l _ g

A. {4 +.J§,4—\/5} B. {2+J§,2—\/5}
C. {-4+J5,—4—J5} D.{-2+J§,—2—J5}

Cau 22: Trong khong gian voi hé toa do Oxyz,
x-—1 _ y—2 _ z+2. Tinh
2 -2

khoang cach tir diém M(—2;1; —1) toi (d)
AR g2 2 s
3 2 3 3
Cau 23: Tim nguyén ham I = len(Zx - 1)dx.

cho duong thang (d):

A. 1:%1n|2x—1|+w+c
B. I=4x2+1ln|2x—1|+x(x+1)+C
C. I:%ln|2x—1|—M+C
D. 1:4’“2+11n|2x—1|—M

Cau 24: Tinh thé tich khdi tron xoay khi cho hinh
phéang gi6i han boi d6 thi cic ham s y = x* - 2x
va y=-x quay quanh truc Ox.

4 4 1

A 2 B. =2 c.k D. -
3 3 3 3

Cau 25: Cho log2 =a;log3 =b. Tinh log, 90 theo
a,b.

2b-1 B. b+1 C. 2b+1 D. 2b+1
a+b a+b a+b a+2b
Cau 26: Cho ham s8 y=x’ —3x+2017. Ménh dé

A.

nao dwdi day dung?

A. Ham s dong bién trén cac khoang (—oo; —1)
va (1; +oo)

B. Ham s dong bién trén khoang (0; +oo)

C. Ham s8 dong bién trén khoang (—;0)

D. Ham s6 dong bién trén khoang (—00;1)
Céu 27: Cho s6 phttc z=2-3i. Tim phén 4o cua
s phtrc w =(1 +i)z—(2—i)£.

A. -9i B. -9 C. -5 D. -5i
Cau 28: Phuong trinh 4* — 207
bao nhiéu nghiém duwong?

A.3 B.1 C.2 D.0
Cau 29: Phuong trinh log, (x3 - 2x) =log ; J1+x

=2x+1-x* co

c6 bao nhiéu nghiém?
A.3 B.0 C.1 D.2

Cau 30: Tap hop cac diém biéu dién cac s6 phiic

z théa man |z -2- i| = ‘;+ Zi‘ la duong thang:
A, 4x-2y+1=0
C. 4x+2y—-1=0

B. 4x-6y-1=0
D. 4x-2y-1=0

Cau 31: Cho s6 phtic x =-3—4i. Tim moédun ctia

o .25
sO phttc w =iz +—.
z

A2 B.2 C.5 D. 5
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Cau 32: Trong khong gian voi hé toa do Oxyz,

cho duong thang (dl):x+1:y—1:z+1

2 1 -3

. 2 X+3 y+2 z+2 .

duong thang (d,): = = . Vi tri
& g () 2 2 -1 '

twong ddi ctia (d,) va (d,) la:

A. Cat nhau B. Song
song

C. Chéo nhau D. Vuong goc

Cau 33: Trong khong gian véi hé toa do Oxyz,

. e x-3 y+1 z+1 ..
ho duong th. d): = = . Viét
cho ng thang ( ) ) n 1 ié

phuong trinh mit phang qua diém A(3;1;0) va

chtta duwong thang (d)
A x+2y+4z-1=0
C. x-2y+4z+1=0

B. x-2y+4z-1=0
D. x-2y-4z-1=0
Cau 34: Tim nguyén ham [ = J(x - 1)sin 2xdx.

(1 - 2x)cos 2x +sin2x
> +C

(2—2x)C052x+ sin2x
B.I= 5 +C

(1 - 2x)c052x +sin2x
C.I= 1 +C

(2 - Zx)COSZx +sin2x
D. I= 1 +C

Cau 35: Phuong trinh (x—1)2"=x+1 c6 bao

A I=

nhiéu nghiém thuc?

Al B.0 C.3 D.2
Cau 36: Tinh dao ham ctia ham s8 y =+/x./x4/x .
7 X% 17.3x7
A y'= B.y'=
Y Y
C.y=—2 D.y'=—"

YTy 24.2x"

Cau 37: Tinh dién tich hinh phang gi6i han béi
d6 thi ham s6 y=xsin2x, truc hoanh va cac
duong thang x=0,x=m.

A2n B.Z c.Z D. x
4 2

Cau 38: Cho hinh hop ABCD.A'B'C'D' ¢ tat ca
cac canh bang a, hinh chiéu vuong goc cia A'
1én mat phang (ABCD) nam trong t& giac
ABCD, cac canh xuat phat tit dinh A cta hinh

hdép do6i mot tao v6i nhau goc 60°. Tinh thé tich
hinh hép ABCD.A'B'C'D'.

V3 V2

A V=4 B.V=—ag
6 6

C. Vzﬁa3 D. V:Qa3
2 2

Cau 39: Cho hinh chép tam giac déu S.ABC ¢6
AB=a, mitbén (SAB) hop véi ddy (ABC) mot
goc 60°. Tinh thé tich hinh chép S.ABC.

1, NERR

A. V= a B.V=—u
2443 12

C. V=£a3 D. V=£a3
8 24

Cau 40: S6 nghiém thuc cia phwong trinh
log, (x3 +3x2)+logl (x—xz) =0 la:
3

A.0 B.1 C.3 D.2
Cau 41: Cho hinh ladng tru ding ABC.A'B'C' co
day la tam giac ABC cantai C, AB=AA"=a, gbc
gitta BC' va mit phang (ABB'A') bang 60°.
Tinh thé tich hinh lang tru ABC.A'B'C".

A. V =154 B. V:@f

12
C. V:#tf D. Vz@tf

Céu 42: Cho ham s6 y=2x—+11. Tiép tuyén tai

diém cé hoanh d¢ bang -1 ¢6 hé sd goc bang:

Al B2 2t pl
6 6 3 3
Vicx

Cau 43: Tinh dao ham ctia ham s6 y =2

y In2 =
2V1-x 2N1-x
N oVix
D. y'=——

2V1-x 2V1-x
Cau 44: Tong cac nghiém cua phuong trinh
(x=1)".2" =2x(x* ~1)+4(2"" =x*) bing;

A. 4 B.5 C.2 D.3

A. yEﬂz@ B. ' =

Cy'=

Cau 45: Cho 4,b>0,a#1 thoa man log, b =% va

log,a= % Téng a+b bang:

A. 12 B. 10 C.16 D. 18
Cau 46: Tim tap xac dinh ctia ham so:
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y =Jlog(x2 +3x)—1.

A. (—oo;—5]u[2;+oo) B. (2;+oo)

C. (1;+oo) D. (—oo;—5)u(5;+oo)
Cau 47: Tim nguyén ham I:J. ! S dx.
4—x
AT=imP 2 c Bor=imfERlc
2 (x=-2 2 (x+2
Cr=imP*=2ic b=t 3c
4 |x+2 4 |x-

Cau 48: Xét cac hinh chép S.ABC ¢b
SA=SB=SC=AB=BC=a. Gid tri 16n nhit cua
thé tich hinh chép S.ABC bang:

ll3

‘12
Cau 49: Cho cac s6 phuc z théa man:

3 3 3
B2 oo p
8 4 4

|z - i| = |z -1+ 2i|. Tap hop cac diém bidu dién cac
sd phttc w = (2 —1 ) z+1 trén cac mit phang toa do
la mot duong thang. Viét phuong trinh duwong
thang do.

A —x+7y+9=0

C.x+7y+9=0

B. x+7y-9=0
D. x-7y+9=0
Cau 50: S nghiém thuc cua phuong trinh
2" =log, (8—x) la:
A.2 B.1 C.3 D.0
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DAP AN

1A 2A 3C 4B 5D 6B 7C 8D 9A 10A

11B 12B | 13C | 14D | 15A | 16A | 17A | 18B | 19A | 20C

21B | 22A | 23C | 24C | 25C | 26A | 27C | 28B | 29C | 30D

31A | 32A | 33B | 34D | 35D | 36C | 37D | 38D | 39D | 40B

41D | 42C | 43A | 44B | 45D | 46A | 47D | 48B | 49C | 50B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an A.
Diéu kién -3<x<3
3. (—Zx) 3x
29— 22 9-x2

XéthamsG y=2x+3vV9-x" cd y'=2+

0 0<x<3 0<x<3
'=0< = =
Y 4.(9-22)=9x* 7 134" =36 *

o ey 6. i)
Ta co fl‘él%’]ly—{f( 3)'f[\/ﬁ}f(3)} f( 3) 6.
Cau 2: Pap an A.

G]Ul =(2 \/E)Hz Q[ % j4(2x—1) _ ( \/§)3x+6 - ( \/5)44(172;:) _ ( \/E)SM

< 3x+6=4-8x @x=1—i(th(’)amén).

Cau 3: Pap an C.

- -4 — h-?
2 ) 2 - T
x4 Y o_1; im 2 ———?§—:—4.

. 1. . 4
Tacdé im — = lim —~— =lim
x40 X — 1 X—>+0 x>-0  x — 1 X——0
1-- 1--
X X

Cau 4: Pap an B.
Ta nhd lai kién thitc vé duong tiém can cua d6 thi ham phan thitc ma toi duwa ra
0 chuyén dé duong tiém can, tir day ta thay

2

V6i phwong dn B: Ham phan thitc c bac ctia da thirc tit sO 16n hon béc cta

da thttc mau s6 nén khong co tiém can ngang.
Cau 5: Dap an D

STUDY TIPS
Nhiéu bai todn, chi cAn st

Suy ludn
/ \ A _ . 3 . 2

dung 1 dit kién 13 ta c6 thé Xét ham so y —(m 1)x +(m 1)x +x+m.

loai hét cdc phuong dn sai, Vi =1 thi ham s8 trén c6 dang y = x +1 ludn dong bién trén R.

do d¢6 trong qua trinh lam Y ) ,

bai, ta nén xét ciing véi cdc Dén day ta loai dwoc phwong an B, C, A

phuong &n. Boi trong tic Ta chon ludn D.
nghiém, cdc phuong an Ty nhign trén day la suy luan cho tric nghiém, ta c6 16 giai sau.
cling la mot dit kién. ..

Loi gidi
Véi m =1 thoa man yéu cau dé bai.

Véi m#1 thi ham sd da cho la ham s bac ba, dé€ ham sd ludn dong bién trén
R thi:
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m-1>0 m>1 m>1 m>1
= = =3
b -3ac<0  |(m-1) -3(m-1)<0  |(m-1)(m-4)<0 " |m<4
< l<m<4.
Két hop hai truong hop ta duwgce 1< m <4 thi thdéa man yéu cau dé bai.
Cau 6: Dap an B.
. 1A -3>0
biéu kién: * Sxed.
3-2x>0
Cau 7: Pap an C.
Dat z, =1+i,khidé z=z7 +z" +z,* +..+2,2.
Tacd z,z=z, +z," +..+2,"

23 2

_ .23 __2 _ _ _
Suyra zz,-z=z," -z, < z(z0 1) =z,” -z,

\23 \2
@Z:ZOZS‘ZoZ =(1+l) ~(1+i) =-2050 - 2048i .
ZO—]_ 1+i-1

Véy phan thuc cta s§ phitc z 1a x =-2050 = 2" - 2.
Cau 8: Dap an D.
bat z=x+yi (x,y € R) . Khi d¢6, theo dé bai ta c6
z—1=x+yi—1=(x—l)+yi=[(x—1)+yi].[x—(y—1)i]
z=i x+yi-io x+(y=1)i [x+(y-1)i][x—(y-1)i]
Cx(x-1)=(x-1)(y-1)i+xyi-y(y-1)7°

x2+(y—1)2
=x(x—1)+y(y—1)+[xy—(x—1)(y—1)]i

xz+(y—1)2

x(x—1)+y(y—1)

Ma phén thuc bang 0, do d6 5
+(y-1)

=0 x’-x+y’-y=0

1Y 17 1 11 1
<|x—-=| +|y—-=| == .Vay duong trontam I| —;— |, bankinh R=—.
2 2) 2 2°2 2
Cau 9: Dap an A.
Dat u=2x-1= du=2dx

vdv=e¢dx=>v=—e
Khi d6 I(2x —1)edx =(2x - 1).(—e’x ) + Je”‘ 2dx = —(Zx - 1)6"‘ -2 +C
= —(2x+1)e"‘ +C.
Cau 10: Pap an A.

Tact d{ (7)) = [1+2.(2)-2(-8)+3 _ ,

2

1P +2° +(=2)
Cau 11: Pap an B
Hinh vé bén minh hoa mét hinh hdp ABCD.A'B'C'D’ ndi tiép mdt cau tam [
ban kinh R.
Vi tinh d6i xting nén hinh hop ndi tiép khdi cau ludn la hinh hép chi nhat. Do
vay dat ba kich thude cua hinh hép chir nhat lan luotlaa, b, c.
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Khi d6 thé tich ctia hinh hop chit nhatla V =abc.
Ap dung bat déng thiic Cauchy cho ba s§ dwong ta c6
a+b+c>3Jabc
STUDY TIPS N 5 2\3

Cho hinh hop chii nhit c6 3 PR (abc)z J|[a+b+c eV < @ +b (2R) _ 64R?

kich thwdce la a, b, ¢ khi dé 3 3 3 27

d6 dai duong chéo cua hinh

Ll?p c}:fr n}ilét duwoc tinh Ly 64R° 8R®
ang cong thirc = =—F

2 2 2 27 3\/5
d=+va"+b +c

Chii yj: & day, do tinh d6i xttng nén hinh hop chit nhat ndi ti€p mat cau ludn c6

tam 1a tm ctia mat cau, do vay d¢ dai duong chéo chinh b.:?mg dwong kinh ctia
mat cau. Twong tw bai toan hinh tru ndi tiép khdi cau trong sach B dé tinh tuy
mon toan 2017 ma t6i da dua ra.

Cau 12: Dap an B.

Ké AH vuéng géc véi (BCD), khi d6 AH la duong cao ctia khdi tir dién ABCD.

Goi M la trung diém cua CD. Trong tam giac ABM, duong phéan giac ctia AMB
cat AH tai I, ké IK vudng géc véi AM (nhu hinh vé).
Do ABCD la t& dién déu nén BM L CD, mat khac AH 1 CD, tix day suy ra
(ABM) L(ACD).

(ABM) L(ACD)
Tac6 {(ABM)n(ACD)=AM = IK L (ACD).

IK L AM

Do MI la phén gidc AMH vay IH=IK hay d(I;(BCD))=d(I;(ACD)).

Twong ty voi cac treong hop con lai ta suy ra I la tam cua mdt cau noi ti€p khoi
t& dién ABCD.

Ta c6 hinh vé mat phang ABM & bén, P la giao diém ctia MP va AB.

Nhén thay tam giac ABM can tai M (do BM = AM), tt day suy ra phan giac MI
la duong cao.

2 2
Tacé MP=MB* —Bp? = |*3_ 4 _ @

4 4\

Hai tam giac MHI va MPB d6ng dang, suy ra

a3 a
IH_HM_ .. HMBP ¢ zza\@
BP MP MP 4 12
J2
2
Vay dién tich mit ciu noi tiép t dien ABCD 1a S = 4nR? = 4m.a? .& -=.

Cau 13: Dap an C.

=1 \/—:> 8+4f

x:1+\/§:>y:—8+§\/>
3

Tacd y'=x>-2x-1=0<

Khidé d=(x, - x, ) +(y, -,
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, 2 3
dudng kinh hinh tron d=a=> R=2. Khi do V =%.u.(£j n=2 n

Cau 14: Dap an D.
Xét phuong trinh hoanh do (x—1)e" =x* =1 < (x—1)(e* —x—1)=0.

=
x=0

Vay dién tich hinh phang duoc giéi han béi cac duong y = (x - 1) e, y=x* -1

duoc tinh bang cong thirc S = ”x - x 1) dx.

Nhan xét: trén [0;1] tht x* — Z(x—l)e nén

S=_:[‘x2—1—(x—1)ex =_:[(x2—1—(x—1)e")dx

1
| X
s

! j). "dx—?z—_[(x—l)e"dx

0

Dat u=x-1=du=dx; e'dx=dv=>v=¢"
1

1
Khi d6 J.(x—l)e"dx=(x—1).e’( —J'e’(dx=—e+2.

0 0
A 8
Vay S=e——
ay 3
Cau 15: Dap an A.
Tam gidc SAB can tai S ¢ ASB =60° = tam giac SAB déu= AB=a.

Tam gidc SBC vudng tai S = BC =+/SC? + SB* =av/2..
Ap dung dinh If ham cos cho tam giac SAC ta c6
AC =+/SA> +5C* —~2.SASC.cos120° = a+/3 .

2
Tam gidc ABC c6 AB* + BC* =a’ + (a\/E) =34’ = AC*> = tam gidc ABC vudng

tai B.

Goi H la trung diém ctia AC, suy ra H la tam duong tron ngoai tiép tam giac
ABC. Ma t dién SABC ¢6 SA =SB =SC =a = SH la duong cao cta t¢ dién
S.ABC.

Tacé SH =+SA* - AH* = =%
3
Vay thé tich khéi chépla V =— SHS 1 E.l a2 =2 V2
3 322 12

Cau 16: Dap an A.

Bai toan nay t6i da dua ra trong sach d¢ dé tinh tiy mon Toan nam 2017 ( cau
38 dé 3) nhu sau:

Do dwong tron day ctia hinh nén néi tiép hinh vudéng A'B'C'D' nén do dai

2 12

Cau 17: Pap an A.
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Xét phuong trinh hoanh do giao diém (x—1).e” =0 < x =1. Vay dién tich
hinh phéng duoc gidi han béi d6 thi ham s6 y = (x - 1).ezx , truc hoanh va cac
duong thang x =0,x =2 duoc tinh boi cdng thiic:

S= —j.(x - 1).ezxdx + j.(x - 1).ezxdx = jl(x - 1).ezxdx + j.(x - 1).e“dx
0 1 1 1

bat I, :jl(x—l).ezxdx; I :j.(x—l)ezxdx
1

1

Pit x-1=u=dx=du; vdv=ez"dx:v=%.e“

b
a

b
-

Khi d6 I, =%.e2".(x—1) e“.(x—l) 2

b b
—%Ie“ dx =
a

1
—-—.
4

1
>

2
Vay tir day ta 6 I, =—%—[1.60 —l.ezj= ¢ 3

4 4 4 4
4 2
Iz=l.e4— 1o 1ol &
2 4 4 4 4
et e* 3
Suyral=I +I,=—+——-—.
y 1T TSy

Cau 18: Dap an B.
Tacd x> +y* +2° —2x+4y—-6z+9=0
= tam I(1,-2;3), bankinh R=v-9+1+4+9 =+5.
Cau 19: Dap an A.
Taco e =2xe" .
Cau 20: Pap an C.
DPuong thang d di qua hai diém A(—l; 2; —4) va B(l; 0;2) co vtep
u=AB= (2; —2;6) = 2(1; -1; 3), vay d c6 phuong trinh
x4+l y-2 z+4
1 -1 3
Cau 21: Pap an B.

d

Xét phuong trinh 2 g
Diéu kién: x e R.

Ta c6 phuong trinh < 2("71)2 =2 o (x - 1)2 =2x

x=2++3
oxl-4x+1=0 [

x=2-+3
Cau 22: Pap an A.

Goi N 1a hinh chiéu vudng géc ctia di€ém M 1én duong thang

x=1+t
d:qy=2+2t (teR).
z=-2-2t

Khi do N(1+42+2t;-2-2t)= MN =(t +3;2t + ;-2 - 1).
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Tacé MN Ld= MNui =0 < (t+3).1+(2t+1).2+(-2t-1).(-2)=0

5\/—

R :MN{% -2, gj Kni 46 [MN]|=d(M;d) ==~

Cau 23: Pap an C.
x2
dx; vdv=xdx:v=7

Dat u=ln(2x—1)3du= 2
2x —1

2
X
2 2x-1

x’ x’ x 1 1
1 x=7.ln|2x—1|—j{5+z+m}x

:£.1n|2x—1|—[£+£+l.ln‘(2x—l)U+C
2 448

Khi d6 jxln 2x 1)dx—— 1n|2x 1|

=£.ln|2x—1|—
2

=4x2 _1.ln|2x—1|—M+C
8 4

Cau 24: Dap an C.
x=0

Xét phuwong trinh hoanh d6 giao diém x* - 2x=-x" < { .
X =

Khi d6 thé tich khdi tron xoay cé dugc khi quay hinh phang gi6i han boi cac &6
thi ham s8 y=x* — 2x;y = —x” quay quanh truc Ox dugc tinh boi cong thirc

_ j (4 -22) — (=)

Ta thdy trén [0;1] thi (—xz )2 < (xz - Zx)z, do vay ta co cong thirc

dx

V= ni [—x4 + (x4 —4x + 447 )]dx
0

1
1
= nj(—4x3 +4x2)dx = n.(—x4 +éx3j =
5 3 0
Cau 25: Dap an C.

log90_10g(9-10)_10g9+10g10_ 2log3+1 2b+1
log6 log(2.3) log2+log3 log2+log3 a+b’

g (dvtt).

Ta c6 log, 90 =

Cau 26: Dap an A.

Taco y'=3x —3=0<:{ii;1 . Ta thady ham s& da cho 1a ham s6 bac ba c6 hé
s0 a=1>0 nén ham s& dong bién trén (—oo; —1) va (1; +oo), ham s6 nghich bién
trén (-1;1).

Cau 27: Pap an C.

Tacé w=(1+1).(2-3i)—(2-i).(2+3i)=—2-5i.

Vay phan 4o cua sd phtec w la -5.

Cau 28: Dap an B.

Cach1:Taco 47 — 200 —2x 4142

o4 1257 =2 420+ 142077
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Math
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Math

2% 422 =(x+1)2 1ol (*)

Xéthams8 g(a)=2"+a trén R 6 g'(a)=2"1n2+1>0 = hams3 g(x) dong
bién trén R

Vay phuong trinh (*) tré thanh g(2x2 ) = g((x + 1)2)

x:1+\/§

x=1—\/5

Vay phuong trinh da cho chi c6 duy nhat mét nghiém dwong.
Cach 2: St dung TABLE.

& 2x% =7 +2x+1<:>[

Ta dat f(x)= g7 2 ox 14420 day ta st dung ntit TABLE boi ta biét
rang, néu ham sg f (x) doi dau qua x=c thi x =c la nghiém ctia phwong trinh
f (x) =0. Do vay, ta di xét xem ham s6 d6i dau bao nhiéu lan trén (0; +oo) .

St dung nut TABLE:

1. MODE — 7:TABLE

2. Nhéap biéu thic f (x) vao, an =,

3. START? Chon 1 =, END? 15 =, STEP? 1=, may hién nhu hinh bén.

Nhan thay ham s0 chi d6i ddu trén khoang tir 2 dén 3, tie 3 trd di, gia tri cuia
ham s6 tang dan, tiec ham s6 dong bién trén (3; +00) . Vay phuong trinh da cho
chi c6 duy nhat mét nghiém duwong.

Céu 29: Dap an D.

x° —2x>0<:>{x(x2 —2)>0<:{x>\/5

Diéu kién:
1+x>0 -1<x<0

x>-1
Ta c6 log, (x3 - Zx) =log ; V1+x < log, (x3 - Zx) =2log, V1+x

< log, (x3 —2x)=10g2 (1+x)e 2’ -2x=1+x < x°-3x-1=0, bAm may ta
thdy phuong trinh bac ba nay c6 3 nghiém, tuy nhién, so sanh v6i diéu kién thi
chi c6 hai nghiém thoa man, do vay phuong trinh da cho c6 hai nghiém phan
biét.

Cau 30: Pap an D.

Dat z=x+yi, (x,yeR).

Khi d6 phwong trinh da cho tro thanh

‘x—2+(y—1)i‘=(x—(y—2)i)‘ <:>\/(x—2)2+(y—1)2 :\/x2 +(y—2)2

oxP—dx+4+y’ 2y+1=x"+y’ -4y +4

& A4x-2y+5=-4y+4 <4x-2y-1=0.
Cau 31: Pap an A.

25.(3-4i
Ta c6 w=i(—3—4i)+i =3 —4i’ —M
-3—4i (3+4i)(3-4i)
=—3i+4—75_—108i=—3i+4—w=—3i+4—(3—4i)=1+i
9 -16i 25

= |w|=v1* +1* =42
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Cau 32: Dap an A.

x=-1+2t |x=-3+2t
Taco d y=1+t ;qy=-2+2t

z=-1-3t |z=-2-t'

-1+2t=-3+2¢' 2t -2t'=-2 1
Ta c6 hé phuong trinh {1+t=-2+2t'" << qt-2t'=-3 @{t'__z.
~1-3t=-2—-¢' Bt+t'=-1 B

Hé phuong trinh c6 nghiém duy nhat, suy ra hai dwong thang nay cat nhau.
Cau 33: Dap an B.

Chon B(3; -1; —1),C (1; 0; 0) 14 hai diém ndm trén duong théng d, suy ra hai
diém A, B cling nam trong mit phang (P) can tim.

Bai toan trd thanh viét phuong trinh mt phang (P) di qua ba diém

A (3; 1; 0), B(3; -1; —1) ,C(l; 0; 0) . Day la dang toan ma t6i da dé cap rat chi tiét
trong sach “Bo dé tinh tiy mon Toan nam 2017”.

Mat phéng (P) co vtpt n= [Zg,gé} = (—1; 2; —4) = —1(1,' —2,‘4)

ma mét phang (P) chita diém C(l;O;O) nén (P) ix—2y+4z-1=0.

Cau 34: Dap an D.

I= j(x - 1)sin 2xdx.

bat x-1=u=dx=du, sin2xdx=vdv:v=—%.c:052x

—(x-1 1- 2
Khi do F(x)z (x ).c052x+lIC052xdx =—( x)cos x+l.sin2x+C
2 2 2 4

(2 - Zx)cos 2x +sin2x
= +C
4
Cau 35: Dap an D

V6i x =1 khong la nghiém ctia phwong trinh da cho.

V6i x #1 thi phuong trinh < 2° = x+1
x_

x+1

bat g(x)=2%; f(x)= .

Ta c6 ham s6 g(x) luén dong bién trén R.

Ham s6 f(x) ludn nghich bién trén (—oo;l) va (1; +oo).

Vay phuong trinh f (x) = g(x) c6 nhiéu nhat 1 nghiém trén (—oo; 1) va nhiéu
nhat 1 nghiém trén (1; +oo). Khi bAm may do nghiém thi thdy phuwong trinh da
cho ¢6 1 nghiém trén (—00;1) va 1 nghiém trén (1; +oo).

Cau 36: Dap an C.

Vay y = \[x.%/x.{‘f = Vx.3\/x.x = \/x.x% =37

Khi d6 Y :(24/x17 ), 22_243(‘7 _ 17 ‘
24 2424x7

N
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Cau 37: Dap an D.

Dién tich hinh phang can tim dwoc tinh bang cong thiec S = “x sin 2x| dx
0
X =

Xét phuong trinh x.sin2x =0 < | x = — ( xét trén [0; TC:' )-

anNnja <

X =
2 .
Néntacd S = I x.sin 2xdx — I x.sin 2xdx .
0
2
Twong tu nhu bai 34 chi khac x -1 va x, do vay ta c6
S= 2 -

4 0 4

—2xc052x+sir12xE —2xc052x+sin2xn_£_ 3n
Iy
2

Cau 38: Pap an D.
Ta dé dang nhan ra cac mat cua hinh hop la hinh thoi.
A’ Trong mit phang (A’AC), ké A'H 1 AC tai H.

.
/ AN Ki hiéu nhu hinh vé.

B | Do cac canh ké tir dinh A d6i mét vudng goc, do vay cac tam giac
‘ A A'AB,A'AD, ABD la cac tam giac déu. Do vay A'D = A'B=BD =a, suy ra tam

) i giac A'BD déu = A'O L BD.

. O A'O L BD , ,
Ta c6 = BD L (A'AC) = (A'AC) L(ABCD).

c B AC L BD
= A'H L (ABCD).
= A'H la duong cao cua khoi hop.
Ta co ABC la tam giac can tai B c6 ABC =120° = AC = a3 .
Tam gidc A'OA cantai O, nén ta tim duoc A'H = \}/:

3
S 3
A : a2 1, a2
Vay V = AHS, 0 = —— 57 I—T.
Cau 39: Dap an D.
Ki hiéu nhu hinh v&, theo dé bai ta c6 SDH = 60°
A C 3
= SH = DH.tan 60° = ‘ZI N3=2vay v _lalald, oV8
5 3272 2 24

Cau 40: Dap an B.
Diéu kién: 0 <x < 1.

Phuong trinh < log, (x3 + 3x2) =log, (x - xz) o +3x  =x-x

x=0
XX +4x —x=0= , chi c6 mot nghiém thoa man.
Phuong trinh v6 nghiém.

Cau4l: Dap an D
Goi D la trung diém cua A'B’.Khidé C'D L A'B'(do tam giac A'B'C’ can tai C’).
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Cco

 [CDLAB ,
Ta = C'D L(ABB'A’).
BBLCD

Khi d6 C'BD = (C'/BW)) - 60°.

/15

2
— C'D = BD.tan 60° = a2+”z.f= >

Vay V = %.C'D.A’B’.A’A =

Cau 42: Dap an C.

B - —

Ta co y'=—32:k=y'(—1)=_1,
(2x-1)

Cau 43: Pap an A.

Taco y' = (2F) = (\/ﬂ) In2.2% = ZI2 i

241—-x

Ciu 44: Pép 4n B.
Taco (x-1) 2% =2x(x* -1)+4.(27 =)
& (x-1) 2" =20° —2x —42% 427
& 2% (¥ —2x+1-2) = 2x.(x* —2x - 1)
& (¥ —2x-1).(2* —2x) =0
x=1+2
N A CI oy

x=1
x=2
Cau 45: Dap an D.
log,b log,b
Ta c6 logﬂb=&=£=2<:>log2b=4:>b=24
log,a 16 4
b

:>log2a=%=1:>a=2.Véy a+b=18.
Cau 46: Dap an A.

0 x>0
. x> +3x>0 x> x<-3 x>2
biéu kién ) S4lx<=3 R =
log(x +3x)21 x>2 x<-5
x* +3x2>10

Cau 47: Pap an D.

! dx = | ! dx:ij RN S Y S
a’-x (a+x)(a—x) 2a'\a-x a+x 2a
Ap dung vao bai ta chon D.

Cau 48: Dap an B.
Ké DH 1 SB

. xX+a
Tacoj +

2 2
bit AD=x = SD=+a*> -x* =BD:>DH:\/SD2_%= %_xz
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) Ta thay Vi, =2V, (1)
Tacé AD L BD; AD L SD = AD 1(SBD)
H A 1 1.1 1.1 [32
Vay VSABD = g‘AD‘SSBD = ExEDHSB = VSABC = ZEXEH T— xz
A B > 22 +£_x2 s
= l.x.a. :%L—x2 < la.é _4
D 3 4 3 2 8
C Cau 49: Dap an C

Dat z:x+yi,(x,yeR).

Khi d6 phuong trinh < \/x2 +(y—1)2 = \/(x—l)2 +(y+2)2

o 2y+1=-2x+1+4y+42x-6y-4=0=x-3y-2=0=x=3y+2
Véi w:x’+y’i:(Z—i).z+1:(2—i).(x+yi)+l:2x+2yi—ix+y+1
=(2x+y+1)+(2y—x)i

3{;Zz;ti:;;fgiy_zzz)jyy_:27y+5 =>x+7y'=-9< x+7y'+9=0.
Cau 50: Pap an B.

Diéu kién 0 < x < 8.

Dat f(x) = 2";g(x) =log, (8 - x) , Xét hai ham sd nay trén (0;8) ,tacod
f'(x)=2"In2>0Vx = ham s8 dong bién trén (0;8).

g'(x) = —m <0Vx e (0;8) = ham s6 nghich bién trén (0;8) .

Suy ra phuong trinh 2* =log, (8 — x) ¢6 nhiéu nhat mot nghiém trén (0; 8) .
Ma [f(l) - g(l)][f(2) - g(2)] < 0 nén phuong trinh ¢6 duy nhat mét nghiém

thuee trén (0;8).
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BE ON LUVEN S0 12

Cau 1. Trong cac d6 thi dudi day, d6 thi nao la d6
thi cia ham s6 y=x" —2x*-37?

Ay Ay
3
@) >
> _ 1
I—1 1 \ X 1\ 0 x
-3
A. B
A y Ay
O N
-1 1 X 1
-3 ol 1 3 X
C. D.

Cau 2. Két luan nao sau day vé tinh don diéu cua

ham s6 y:2x+1

la dang?

A. Ham s0 luoén nghich bién trén R\ {1} .

B. Ham s6 ludn nghich bién trén (—00;1) va
(L40)

C. Ham s8 ludn dong bién trén R\ {1}.

D. Ham s6 ludn dong bién trén (—oo;l) va
(1; +oo) Cau 3. Gi4 tri 16n nhit cada ham soO
y=x"—3x+5 trén doan [O; 1] la

A.b5. B. 3. C. 1. D.7.

Céu 4. Cho ham s6 y =x° —4x . S0 giao di€ém cua

d6 thi ham so va truc Ox béng
A. 0. B. 2. C.3. D. 4.

Cau5.Hamsd y =§x3 —2x% +3x+1 ddng bién trén
A. (2;+). B. (L;+0).
C. (—o;1) va (3;4+%). D. (1;3).

Cau 6. S6 duong tiém can dung va ngang cuia d6

thi ham s6 y=2"1 I3
x° -4
A2 B1  C4 D3

Cau 7. Cho (C):y=x"+3x"-3. Tiép tuyén cua
(C ) song song v6i duong thing 9x —y+24=0

c6 phuong trinh la
A. y=9x+8. B. y=9x-8 y=9x+24.
C.y=9x-8. D. y=9x+24.

Cau 8. Tim m d€ d6 thi ham s6 y =x* —2mx* +2

c6 ba diém cuc tri tao thanh mot tam giac ¢ dién

tich bang 1.
A.m=3/§. B.m=\/§.
D. m=1.

C.m=33.
Cau 9. Cho ham s8 y = f(x) c6 do thi la duong
cong nhu hinh bén. Khang dinh nao sau day la
khéng dinh ding?

o
|

I\V x
1
2)---

A. Ham s6 dat cuc dai tai x =0 va dat cuc tiéu
tai x=2.

B. Ham s c6 gia tri cuc tiéu bang 2.

C. Ham s6 c6 gia tri 16n nhat bang 2 va gia tri
nho nhat bang 2.

D. Ham s6 ¢6 ba cuec tri.
Cau 10. Mot nguoi can di tie khach san A bén bo
bién dén hon dao C. Biét rang khoang céch tir
dao C dén bo bién la 10km, khoang cach tu
khach san A dén diém B trén bo gan dao C la
40km . Nguoi dé c6 thé di duong thay hodc di

duong bd roi di duwong thuy (nhu hinh vé dwdi
day). Biét kinh phi di duong thity 1a 5 USD / ki,
di duong bola 3 USD / km . Hoi nguoi d6 phai di
duong bd mot khoang bao nhiéu d€ kinh phi nho
nhat? (AB=40km, BC=10km .).

10 km

A D B
40 km

A.I?Skm. B.675km. C.10km. D. 40km.
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Cau 11. Toa do giao diém cua d6 thi ham sd

y= x=2 va duong thang y=—2x la

A)f ;—12;—4) . B. [_% ;1).
D. (-2;4), (%;—1].

(x4

Cau 12. Nghiém ctia phuong trinh 2% :% la

A.x=4. B.x=-2. C.x=3. D.x=2.
Cau 13. Dao ham ctia ham s6 y =log, x la

1 1
A y'= . B.y'=—.
Y xIn3 Y X
C. y,:ln_?;' D. y'=xIn3.
x

Cau 14. Nghiém cua bat phuong trinh

1 x-2 1 .
= <—1la
3 27
A. x<5. B.x>5. C.x>-1. D.x<-1.
Cau 15. Tap xac dinh cta ham s6

y=—— 1 n
log, (—x2 +2x)
A. D=(0;2). B. D=[0;2].

C. D=[0;2]\{1}.  D. D=(0;2)\{1}.
Cau 16. Trong cac ham sd dudi day, ham sd nao
dong bién trén R?

ol

C. y=log, (xz +1).

B. yzlogz(x—l).

D. y=log, (2" + 1) .
Cau 17. Cho cac so thuc duong a, b, ¢ voi c#1.

Khang dinh nao sau day la sai?
A. log, % =log a—log b.

B. log . a% = %logc b-log a.

C. log a_ Ina-1Inb .

c

Inc
1 L(bY

D. —log? (—j =log, b-log_a.
2 a

log, x I

Céu 18. Pao ham cua ham s6 y =
x+2

1
A y=—— (x+2-xlnx).
/ 2x(x+2)21n2( ! )
1
B.y=——"—(x+2-1 .
/ 2x(x+2)21n2(x HX)

1

C.y=———(x+2—xlnx).
/ x(x+2)21n2( " )

1
D.y=————(x+2-xInx).
! 2(x+2)21n2( ")

Cau 19. Dt log,, 27 =a. Hay biéu dién log, 16
theo a.

4a-12 12—4a

A. log, 16 = . B.log 16= .
Bs a+3 Bs a+3

C. log, 16=22720 D jog 16= 12120

Cau 20. Cho cac s6 thuc duwong a,b véi a#1 va

log, b>0. Khang dinh nao sau day la ding?

O<ab<l1 B O<ab<1
|0<a<1<b’ l1<ab
O<b<l<a O<ab<1
C. . D. .
1<a,b O<a<1<b

Cau 21. Nguoi ta tha mot 14 beo vao mot ho nude.
Gia stt sau t gi0, beo sé sinh soi kin ca mat ho.
Biét rang sau mdi gio, luong 14 beéo ting gap 10
lan luong la beo trude d6 va téc do tang khong
A6 Hol sau mély gid thi 814 béo phi kin % i ho?
t
Al B clogap
3 3
Cau 22. Dién tich S ctia hinh phang gi6i han boi
do6 thi ham sd yzf(x) lién tuc trén [a;b], truc

log3’

hoanh va hai duong thang x =a, x=b dugc tinh

theo cong thitc nao sau day?

A. 5=if(x)dx. B. Szzf(f(x))de.

C. Szi.‘f(x)‘dx. D. S=nj(f(x))2 dx.

Cau 23. Nguyén ham ctia ham s6 f (x) = la

x+1
A. F(x)=In(x+1)+C.B. F(x)=log(x+1)+C.

C. F(x)

+C. D. F(x)=1n|x+1|+c.

2

+ 1)
Cau 24. Mot ca n6 dang chay trén ho Tay véi van
toc 20 m /s thi hét xang. Tt thoi diém do, ca nd
chuyén déng cham dan déu véi van tdc
v(t) =-5t+20m/s, trong d6 t la khoang thoi
gian tinh bang giay, ké tir lic hét xang. Hoi tir ltc
hét xang dén luc dung han, ca n6 di duoc bao
nhiéu mét?

A.10m. B.20m. C.30m. D.40m.
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1

Cau 25. Gid trj cta tich phan I =[xVx* +1dx 1a

%(2&—1). B. %(2&”).
C. -%(2\5—1).

D. %(2-2\/5).

A.

Cau 26. Gia tri cua tich phan [ = | xsinxdx la

O | 3

A.-1. B.ZL C 1. D.-2i1.
2 2

Cau 27. Thé tich vat thé tron xoay khi quay hinh
phéng gidi han boi cac duong y = E, y=0, x=1

, x=4 quanh truc Ox la

21n

A. 61. B. —. C. 12x. D. 8x.
16

Cau 28. Mot nguyén ham F (x) cua ham so
f(x):Zsin5x+\/;+§ sao cho d6 thi cta hai

ham s6 F (x), f (x) cit nhau tai mét diém thudc

Oy la

2 2 3

A. ——c055x+—x\/;+—x—1.
5 3 5
2 2 3

B. ——cos5x+—x\/;+—x.
5 3 5
2 2 3

C. ——cosSx+—x\/;+—x+1.
5 3 5

2 2 3
D. ——c055x+—x\/;+—x+2.
5 3 5

Cau 29. Cho s6 phttc z=3+2i . Tim phan thyc va
phén ao ctia s phtic z.

A. Phan thuc bang 3, phan 4o bang 2.

B. Phan thuc bang -3, phan ao bang 2.

C. Phan thye bang 3, phan ao bang 2.

D. Phan thuc bang -3, phan a0 bang 2.
Cau 30. Cho s0 phttc z=4-5i. S0 phtec lién hop
ctia z c6 diém bidu dién 1a

A.(45). B.(4-5). C.(54). D.(-45).
Cau 31. Gia st z, va z, la cdc nghiém phtic cta
phuong trinh z*>+4z+13=0. Gia tri cta biéu
thite A=|z,[ +]z,[ 1a

A. 18. B. 20. C. 26. D. 22.
Cau 32. Cho s6 phttc z =1+i. Tinh mddun cua s6
z+2i

z-1"
A.lw|=2. B.Jw|=v2. C.|w[=1. D.|Ju|=+3

phttc w =

Cau 33. Cac nghiém ctia phuong trinh z* -1=0

trén tap sO phicla
A. -2 va2.
C.iva—i.

B. -1 val.
D. -1;1;i va —i.
Ciu 34. Cho s6 phuc 2z théa man
|z—1|=|z—2+3i|. Tap hop céc diém biéu dién s&
phtc z la
A. Puong tron tam 1(1;2), ban kinh R=1.
B. Duong thang c6 phuong trinh x -5y -6=0.
C. Puong thang c6 phuong trinh 2x—6y+12=0.
D. Duong thang c6 phuong trinh x -3y -6=0.
Cau 35. Hinh hop chit nhat ¢6 d¢ dai ba canh xuat
phat tit mot dinh Tan luot 1a 2, 3, 4. Thé tich hinh
hop do la:

A.24. B. 8. C.12. D. 4.
Cau 36. Cho hinh chép tam giac S.ABC c6 day la
tam giac déu canh a, canh bén SA vudéng goc véi
ddy vd SA=a\/3. Thé tich V cua khéi chép
S.ABC la

3 3
A V=% B.v=%,
8 4
3 3
Cv="% D.V:‘@“.
2 2

Cau 37. Cho hinh lang tru tam giac déu
ABC.A'B'C' ¢4 géc gifta hai mit phang (A'BC)
va (ABC) bing 60°, canh AB=a. Thé tich V
khéi lang try ABC.A'B'C'la:

3
A. V=3*/3” . B. V =+/34°.
3 3
C.V:‘Ea. D. V=%
4 4

Cau 38. Cho hinh chép S.ABCD c6 day ABCD la
hinh vuéng canh a, SA= a3 va vudng goc voi
ddy. Khoang cach tir A dén mat phing (SBC)
bang:

AB2 paB s pa

2 3 2 3

Cau 39. Trong khong gian, cho tam gidc ABC
vudng tai A, AC=a, ABC =30°. Tinh do dai
duong sinh | cua hinh nén, nhan dwoc khi quay
tam gidc ABC quanh truc AB.

A.1=2a. B.l=a3.C. lzé.D. I=a2.
Cau 40. M6t thung hinh tru c6 thé tich bang 12,
chiéu cao bang 3. Dién tich xung quanh ctia
thung do la:

A. 127 B. 6m. C. 4. D. 24r.
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Cau 41. Cho hinh chdp tam gidc S.ABC c6 day la
tam gidc vuodng tai B, canh AB=3,BC =4, canh
bén SA vudng goc voi day va SA =12. Thé tich
V' ctia khoi cau ngoai ti€p khdi chép S.ABC la:

16971' B. V= 219771:'

A V=

2197n 1371

C V= D.V=—o

Cau 42. Nguoi ta can d6 mot dng bi thoat nudc
hinh tru véi chiéu cao 200 cm , d§ day cua thanh
bi Ia 10 cm va duong kinh cta bi la 60 cm .
Luong bé tong can phai do cta bi d6 la:

A. 0,1t m>. B. 0,18t m°.

C. 0,147 m°>. D. = m?®.
Cau 43. Mit cau (S) cO tam 1(1;2;—3) va ban
kinh R=2 c¢6 phuwong trinh:

2

A (x=1) +(y-2) +(z+3) =4
B. (x+3) +(y-2) +(z-2) =4
Co(x=1) +(y-2) +(z+3) =2

D. (x+1) +(y+2) +(z-3) =4.
Cau 44. Trong khong gian cho duong thang d c6

phuong trinh d: x=2 =1—Z—1 Mot vecto chi
-1 2 3
phuong cua d la:
i=(2;0;1). B. ii=(-2;0;-1).
C. i=(-1;2;3). D. i=(1;2;3).

Cau 45. Trong khong gian voi hé toa do Oxyz,
cho m4t phang (P):x—2y+32—5=0 va mat
phing (Q): —2x +4y—6z-5=0. Khing dinh nao
sau day la dung?

A. (P)//(Q). B. (P)=(Q).

C. (P)cit (Q). D. (P)L(Q).
Cau 46. Trong khong gian voi hé toa do0 Oxyz,
cho mit cau (S):x* +y* +2° +2x+6y —4z—-2=0.

Xac dinh tdm [ va ban kinh R ctia mét cAu (S) .

A. I1(1;3;-2), R=2V3. B. I(-1,-3;2), R=243.
C. I(-1,-3;2), R=4. D.I(1;3;-2), R=4.
Cau 47. Trong khong gian voi hé toa o Oxyz,
—1 %:Z_—Jrll va diém
A(2;O;—1). Mzt phang (P) di qua diém A va
vudng géc véi duong thang d c6 phuong trinh la
A 2x+y-z+5=0. B.2x+y+z+5=0.
C. 2x+y-z-5=0. D.2x+y+z-5=0.
Cau 48. Trong khong gian véi hé toa d0 Oxyz,

cho duong thing d:1=

erz=y—_2=i va mat
1 -1

phang (P):x+2y—3z+4=0. Puong thang d

cho duong thang A:

nam trong mat phang (P) sao cho d catvavudng
gbéc véi A c6 phuong trinh la

x+3 y-1 z-1 x+1 y-3 z+1

A. = = . B. = =
1 -1 2 -1 2 1
c. X 3 y+1 z+1‘ D. x+3=y—1=z—1‘
1 -1 2 -1 2 1

Cau 49. Trong khong gian voi hé toa do Oxyz,
cho mat cau (S):(x - 1)2 +(y+ 2)2 +(z- 1)2 =4 va
mgt phang (P) :x—2y-2z+3=0. Khang dinh
nao sau day la dang?

A. (P) cét (S).

B. (P) ti€p xuc voi (S)

C. (P) khong cit (S).

D. Tam ctia mét cau (S) ndm trén mat phang (P)
Cau 50. Trong khong gian véi hé toa d0 Oxyz,
cho hai diém A(1;2;—1), B(0;4;0) va mat phéng
(P) c6 phuwong trinh 2x -y —-2z+2015=0. Goi
a 1a géc nho nhat ma mat phang (Q) di qua hai
diém A, B tao vdi mat phéng (P) Gi4 tri cta

cosa la
Al sl 2  pl
9 6 3 NE)
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PAP AN
1C 2B 3A 4C | 5C | 6D 7C 8D 9A | 10B
11D | 12B | 13A | 14B | 15D | 16D | 17D | 18A | 19B | 20B
21C | 22C | 23D | 24D | 25A | 26C | 27B | 28C | 29C | 30A
31C | 32B | 33D | 34D | 35A | 36B | 37A | 38B | 39A | 40A
41B | 42A | 43A | 44C | 45A | 46C | 47C | 48D | 49B | 50D

HUONG DAN GIAI CHI TIET
Cau1l: Pap an C
Dang bai toan nhan dang db6 thi da dwoc toi dé cap kha ki trong cudn bo dé tinh
tiiy mon todn nam 2017, tuy nhién & day t6i xin nhac lai bang cac dang d6 thi
va cach suy luan phia dudi.
Nhén thay ham s6 dé bai cho 1a ham s6 bac 4 trung phuong c6 hé s6 a=1>0,
va baa=-2<0, do d6 d6 thi ham s6 c6 dang W, tir day ta chon ludén C.
Dudi day la bang dang d6 thi ham s6 bac 4 trung phuong d€ ta suy luan nhanh.

Dang ctia d6 thi ham s8 y =ax* +bx* +c(a=0)

a>0 a<0
Phuong y A v A
trinh
y'=0 co
ba nghiém A X X
phan biét \_o| \/ i [ o \ i
Phuong yA yA
trinh
y'=0 co \ /
mot ) X ) X
nghiém \/ / \

Cau2: Pap an B

Ta c6 ad —bc=2.(-1)-1.1=-3<0, do d6 ham s& da cho nghich bién trén timg
khoang xac dinh. Ttr d6 ta chon B.

Cau 3: Dap an A.

=0
Ta co (x3 -3x + 5)' =3x" -6x=0< {x . Do vay ¢ day ta chi can so sanh hai
x
gia tri cia ham s6 tai ddu mut cua doan.
Nhén thdy f(0)=5> f(1)=3 do vay chon A.
Cau4: Papan C
x=0

Xét phuong trinh x° —4x=0 < { .
x=12
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Cau 5: Pap an C.

Cich 1: Xét phuong trinh y'=0 < x*> —4x+3=0 <
x

Mit khac day la ham s6 bacba co hé s6 a= % >0 va c6 hai nghiém phan biét,
do vay do thi ham sd c6 dang N, nén ham sd sé dong bién trén (—oo; 1) va
(3; +oo).

Dué6i ddy la bang dang do thi ham s6'bic ba, tir d6 ta cé thé suy lugn nhanh

nhu trén.

1.Ham s8 y=ax’ + bx’ +cx+d(a¢0) .

Dang ctia d6 thi ham sd bacba y =ax® + bx* +cx + d(a # O)

a>0 a<0

Phuong trinh y'=0 c6 hai yA y A

nghiém phan biét /\ /
\_ /. \ 1/

v X

—
©)

Phuong trinh y'=0 c6 nghiém v A yA
kép ‘

o x \

Phuong trinh y'=0 v6 nghiém yA y
X

\

v X

L 2o

Cau 6: Pap an D.
Tiém cin ditng ctia d6 thi ham phén thirc

Mot trong nhiing truong hop pho bién thuong thay trong cac bai toan tim tiém

can d¢6 la duwong tiém can ding ctia ham phan thiec (ham c6 dang f (x) =

trong d6 p(x) va q(x) la cdc ham da thic.
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STUDY TIPS
Ta cht y li thuyét vé tiém
can dung tiém can ngang
d6 thi ham phan thitc ma
toi sé dé cap trong cudn
chét loc tinh thy toan 2017 &
bén.

STUDY TIPS
Vi bai toan dang nay ta
cht1 y nhé gon cong thikc

1
S =E.2|XB|.|yA —yB|

Néu ¢ 1a mot s thyre ma thoa man q(c) =0 va p(c) #0, khi d6 d6 thi ham s6
y= f(x) o tiém can ding x=c.

Tiém cin ngang ctia d6 thi ham phan thitc

bat f(x) = pgx; la mot ham phan thttc, trong d6 p(x) va q(x) la cac ham da
q(x
thirc.

1. Néu bac ctia da thitc tir s6 p(x) nho hon bac ctia da thitc mau s6 q(x), thi
y=0 la mot tiém cén ngang ctia d6 thj ham s6 y = f(x).

2. Néu bic cta da thiec tie s& p(x) bang bac ctia da thite mau s8 q(x), thi y 22
la duong tiém can ngang cua d6 thi ham s8 y = f(x), trong d6 4, b Ian luot 1a hé
58 ctia hang tir c6 bac cao nhat ctia da thite tr 6 p(x) va da thire mau s6 g(x).
3. Néu bac cua da thire tir s§ p(x) 16n hon béc ctia da thite mau s6 g(x) thi do

thi ham s6 y = f(x) khong ¢ tiém can ngang.

Loi gigi

Tt ly thuyét trén ta co
* x=2;x=-2 langhiém ctia phuwong trinh > -4=0vax=-2;x=2 khong
lam cho da thtec ttr s§ bang 0, do vay x =-2;x =2 la hai tiém can dtng ctia d6
thi ham s6 da cho.
* Ham s8 da cho ¢ bac ctia da thike tr s& nhé hon bac ctia da thirc mau s6 nén
d6 thi ham s6 da cho nhan y =0 1a tiém can ngang.
Tt day ta chon D.
Cau 7: Pap an C.
Tiép tuyén cua (C) tai diém (xo;yo) c6 dang tong quat y = f'(x0 )(x - X, ) +Y,,
do vay tiép tuyén song song véi duong thang 9x — y + 24 = 0 thoa man
3x2 +6x, =9 | 070

x,=1
Véi x, =-3 ta c6 phuong trinh y =9x + 24 (loai do trung v6i phuong trinh dé
bai cho).
Véi x, =1 ta c6 phuong trinh y=9x-8.
Phin tich: Nhiéu ddc gia khdng chu y viée phuong trinh hai duong thang nay
truing nhau, do vay chon B 1a sai. D@ bai viét phwrong trinh duong thang dang
9x —y+24=0 ma khong phai y =9x + 24 d€ danh lira thi sinh, chon nham
dap an.
Cau 8:PapanD
V6i m >0 thi d6 thi ham s6 da cho c6 ba diém cuc tri trong d6 A (0; 2) 14 toa

do6 diém cuc dai, hai diém cuec tiéu 1a B(\/E;2 - mZ) va C (—«/Z; 2-m? )
Khi d6 dién tich tam giac ABC dugc tinh bang cong thiic

5 =%.BC.d(A; BC):%.zJE.‘z ~(2-m)

ABC
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Do A la diém cuwc dai nén 2>2 —m*, do d6 ¢ cdng thiic tén ta ¢d thé bo dau gid
tri tuyét d6i va thu duoc S, = Jmm? =1 m=1.
Cau 9: Pap an A.
Phuong an B sai vi ham s§ dat cuee tiéu tai x =2 va c6 gia tri cuc tiéu bang -2,
khong phai bang 2.
Phuwong an C sai vi ham s6 c6 gia tri ceec dai béng 2, va dat cuc tiéu béng 2.
Ta thay trén d6 thi ham s6 chi ¢6 hai diém cuc tri, nén D sai.
Cau 10: Pap an B.

c Gia st nguoi do di dén di€ém D thi bat dau di duong thuy va khoang cach tir
diém D dén diém B 1a x km (0<x<40) (nhu hinh vé).
Khi d6, quang duong nguoi dé di duong bo la 40 — x (km).

10k
40jcm Quéng dudng ngudi d6 di dudong thiy 1a CD =107 + x* (km).
A D , B A1 , . oas 1i 12 . 2 2
Hinh Vay kinh phi nguoi d6 phai bo ra la f(x) = (40 - x).3 ++10° +x°.5

Hay f(x)=5v100+x —3x+120.

Xétham s f(x)=5vx" +100 —3x +120 trén [0;40].

_ 52.x 3= 5x
24x% +100 Jx? +100
f'(x):0<:>x:7,5.

Ta co f(x) -3

Nhén xét v6i x=7,5 thi ham s f(x) dat GTNN, tuy nhién & day néu chon

ludn 7,5 1a sai boi dé bai hoi AD chtt khong phai x, do d6 AD=40-7,5= % .

Tbi ciing dé cap mot bai toan c6 y twéng twong tu trong sach cit loc tinh tay

, nhu sau:

Vi du 16: Mot nguoi phai di dén mot cai cay qui trong riing cang nhanh cang
tot. Con duwong mon chinh ma nguoi ta hay di duwoc miéu ta nhw sau:

600 m Tt vi tri nguoi d6 di thang 300 m gdp mdt cai ao nén khong di tiép duoc niva,
sau khi ré trai di thang 600 m duong ring sé dén cai cay qui do.

@
A Biét rang néu di dwong mon thi anh ta c6 thé chay véi téc d6 160m / phiit, con
—

300 m khi di qua riing anh ta chi c6 thé di véi téc d6 70 m / phiit.

Dé la con duong di truyén thdng ma nguoi ta hay di, vay con duong di ma mat
it thoi gian nhat duoc miéu ta

A. di thang tir vi tri nguoi d6 ding dén cai cay.

B. di theo duong mon 292 m r6i ré trai di dén cai cay.
’ C. di theo cach truyén thong ¢ trén.

A. di thang 8 m roi ré trai di dén cai cay.

Pap an D.
600 m Ki hiéu nhw hinh 1.22 ta c6
Tong thoi gian nguoi d6 di dén céi cay dugc tinh theo cong thirc:

®
ﬂ300 - X O f 2 2
— v f(x): 301066x + 600 +x véi 0<x<300

300 m 70
Hinh 2
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STUDY TIPS
O day ta st dung céng
thitc tinh thoi gian trong
chuyén dong théng déu
S

t=—.
v

STUDY TIPS
Chti y co 6 a nam trong
khoang nao dé€ xét dau cua
bat phuong trinh.

bén day cong viéc cua ta la di tim gia tri nho nhat cia ham sd f (x) trén

2x

11
——t =
160 70 24600 + x°

F1(x)=016x=7v600" +x* < 256x" =49.(600% +x*) <> 207x* =49.600°

[0;300]. Ta Ian luot lam theo cdc bude: f'(x)=

e 49.600 _7.600

<X
207 V207

bén day nhiéu doc gia c6 thé voi chon B. Tuy nhién nhin ki thi thay D méi

=292 m

dtng, vi theo miéu ta thi nguoi d6 sé di 300 — x mét sau d6 thi di thang dén cai
cay.

Cau 11: Pap an D.

Xét phuwong trinh hoanh d6 giao diém ctia hai d6 thi ham s6, ta c6

x_2 x;t_l xi_l x=—2:>y=4
=-2x& = 5 = 1 .
x+1 x—2=—2x(x+1) 2x"+3x-2=0 x=E:y=—1

Cau 12: Pap an B.

Diéu kién: xeR.

Xét phuwong trinh 2+ =%<:>2H =2 ox-1=-3cx=-2.

Cau 13: Pap an A.
1

~ xIn3
Cau 14: Pap an B.

Ta co (log3 x),

O bai toan nay, ta can hét sttc chti y vé co s6, boi 0 < % <1.
biéu kién: xeR.
x-2 x-2 3
V‘10<l<1nén 1 <i<:> 1 < 1 ox-2>3<x>5.
3 3 27 3 3
Cau 15: Pap an D.
Vi bai todn nay ta can xét hai diéu kién:
1. Diéu kién d&€ mau khéc 0.
2. biéu kién d¢€ ton tai logarit.

O<x<?2 x#1

D& ham s6 da cho xac dinh thi
—x* +2x>0

log, (—x* +2x) %0 {—xz +2x#1 {0<x<2
= = .

Vay tap xac dinh cia ham s la D = (0; 2) \ {1} .

Cau 16: Dap an D.

Phin tich: Trong sach Chét loc tinh tiiy mon todn nam 2017, ti c6 dé cap cac

van dé sau:

a. Bang tom tat cac tinh cht ctia ham s6 mi y =a* (a>0;a%1).

Tap xac dinh (—oo ; +oo)

Pao ham y'=a".Ina
Chiéu bién a>1thi ham s6 luén dong bién;
thién 0<a<1 thi ham s6 luén nghich bién.
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Tiém can Truc Ox la tiém can ngang.

bi qua cac diém (O; 1) va (1; a), nam phia trén truc hoanh
D6 thi

(yza" >0,Vxe]R)

b. Bang tom tat cac tinh chat cia ham sd logarit.

Tap xac dinh (0;+00)
DPao ham y' = 1
x.Ina
Chiéu bién a>1:ham s6 ludn dong bién.
thién 0<a<1: ham s ludén nghich bién.
Tiém can Truc Oy la tiém can ding.
Do thi di qua cac diém (1;0) va (s;1); ndm phia bén phai truc tung.

Tl bang tém tat trén ta dwa ra két luan.
Z. 7 A \ \ A ~ 4 n~ 1 A \ ~ A
Véi phuong an A: Day 1a ham sd mii c6 cos6 0<a= 5 <1, do vay ham s luén

nghich bién (loai).

Vi phwong dn B, C, D thi ta chi can xét vé tinh chat ctia ham s0 logarit.

Voi phuong dn B: Diéu kién x >1, dén day ta khong xét nita, boi ham s6 néu
dong bién thi chi dong bién trén (1; +oo) ma khong phai R.

vt phong n st {lo, (1) ==
x~+1).In

,dau cua y' d6i tir am
sang duwong qua x =0, do vdy, ham sd nay khong thé ludn don diéu trén R.
2%.In2 2"

(2" +1).ln2 = T >0,VxeR. Do

Vay D théaméando y'= (log2 (2" + 1)), =

vay, ham s6 0 D ludn thoa man yéu cau dé bai.

Cau 17: Pap an D.

Voi phuong dn A: ta thdy A dung vi a,b duong nén ta co thé ap dung tinh chat
logarit nay.

Véi phuong an B:

log , aiz = %(logc aﬁZJ = %.(logc b-log, a’ ) = %logc b-log, a.Vay B dung

a
n —
Véi phuong dn C: ta co log a__b_ M, vay C dang
‘b Inc Inc
2 2
Véi phuong dn D: ta 6 %.logf (Ej = 2.%.logf b_ (logc EJ =log b-log_ a .
a a a

Vay D sai, chon D.
Cau 18: Pap an A.

' , 1
10g4xJ' _(log4 x) .(x+2)—(x+2) dog, x _m.(X+2)—log4x

Tacod y'=
/ [x+2 (x+2)2 (x+2)
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STUDY TIPS
Ham véan t6c la dao ham
ctia ham quang duong,
ham gia t8c la dao ham cta

ham van toc.

x+2 B Inx
_2x.In2 2.In2 _
(x+2)2
Cau 19: Pap an B.

1

x+2-xInx)———
( ) 2x.(x+2)2.1n2

3.log, 3 B 3 3

Tacé log., 27 =log 3> =3log, 3= = -
aco log,, 0g,, 081, log,12 log,3+log,4 1+log,4

Ma log1227=a,dod();:a®10g34:§—1
1+log, 4 a
2[3_1j
log, 16 2log, 4 \a 6—2a
log, 16= 6 ~Top 3+log 2 1 -
og, og, 3 +log, 1+=.log. 4 4 1+1 E—1
2 } ' 2\ a
_ 6-2a 12-4a
1 a+3
a+———a
2 2

Cau 20: Pap an B.

Taco log, b>0<«<log b>log 1 (*)

V6i 0<a<1 thi bat phuong trinh (*) < b<1.

V6i a>1 thi bat phuong trinh (*) < b>1.

Cau 21: Pap an C.

Sau moi gio sO lwong beo tang gap 10 lan luong béo trude do6 va do tang khong

ddi nén sau t gio thi lwong beo la 10°.
Goi x la thoi gian 1a beo phu kin % cai ho, khi d6 ta c6 phuong trinh

10* =%.10t @leog[%j@leogw' —log3=t-log3.
Cau 22: Pap an C
Cau 23: Dap an D

1
x+1
Cau 24: Pap an D.

Trong chuyén dé vé tich phéan (qua tang valentine) , tdi c6 dang viét vé chuyén

Taco’j dx=1n|x+1|+C.

dé nay, do vay tdi sé khong nhac lai li thuyét ma c6 ludn 10i giai nhu sau:

Gia st luc hét xang thi +=0.

Luc dirng xe han thi van tdc ctia cano la U(t) =0ct=4s.

Ta c¢6 ham quang duong la nguyén ham ctua ham van tdc, do vay quang duong
cano di duoc cho dén khi dimg han duoc tinh bang cong thitc

4
[ (-5t +20)dt= [—Etz + 20tj :
2 0

0

=40m.

Cau 25: Dap an A.

Ta thdy tich phan nay chita biéu thitc cdn, ta c6 thé nghi ngay dén doi bién
x*+1=u,boi u'=2x.

bat x> +1=u=du=2xdx.
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Péicin: x=0=u=1; x=1=u=2

b 1% 1¢ ¢ 1 1 2|2
Khi do I=Ix x2+1dx=—._|.\/;.du=—.ju2du= —. u?
) 2 2 2 17
2

=12

Cau 26: Dap an C.
Ta thdy bai toan nay la dang tich phan tiing phan, do d6 ta c6 1oi giai

bat u=x= du=dx

vdv=sinxdx = v=-cosx

L 2 L
Khi d6 I =—x.cosx|2 —j(—cosx)dx:O+Icosxdx:sinx 2=1-0=1.
0 o 0 0

Cau 27: Pap an B.
Ta c6 phuong trinh hoanh d6 giao diém 2 =0 < x =0 nam ngoai (1; 4) nén ta
c6: Thé tich vat thé tron xoay duoc tinh bang cong thirc

oo e

4 g
— (47 -1)="=—(dvtt).
(4 -1)=Tg @ty
Cau 28: Pap an C.

1 48

Ta ¢ I[2.sin5x+\/;+§]dx=§.(—cos5x)+§.\/;3 +%x+C

2 2 3
=——cos5x+—x\/;+—x+C.
5 3 5

Dé hai ham s6 cit nhau tai mét diém thudc Oy, ticla
f(O)=F(0)<:>§=—E.1+C<:>C=1.
5 5

A 2 2 3
Vay F(x) = —gc055x +§x\/; +gx +1.
Cau 29: Pap an C.
Tacd z=3+2i=2z=3-2i, vay z c6 phan thuec la 3; phan ao la -2.
Cau 30: Dap an A.
S6 phiic lién hop cta z1a z=4+5i . Vay diém biéu dién cua z c6 toa do (4;5).
Cau 31: Dap an C.

z=-2+3i

Ta c6 phuong trinh z> +4z+13=0< g
z=-2-3i

Khi d6 |z,[ +|z,|" =(-2)" +3% +(-2) +(-3) =26 .
Cau 32: Dap an B.
Tacd z=1+i=z=1-1i.

1-i+2i _1+i _(1+i)d P24

Khi d6 w=——- _ —1-i
1+i-1 i i2 -1

:>|w| =17 +(—1)2 =2
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Cau 33: Dap an D.

z=1

Taco z* —1:(22 —1)(22 +1):0<:> z

Cau 34: Dap an D.
Dét z=x+yi (x,yeR).
Khi d6 phuong trinh |z —1|=|z -2+ 3i| tré thanh

|x—1+yi|:|x—2+(y+3)i| <:>\/(x—1)2+y2 =\/(x—2)2 +(y+3)

<:>(x—1)2 +y° =(x—2)2 +(]/+3)2
< 2x+1=-4x+4+6y+9
< 2x-6y-12=0
<x-3y—-6=0.
Vay tap hop cac diém biéu dién s§ phitc z da cho la duong thang x -3y -6=0.
Cau 35: Dap an A.
Do dai ba canh xuat phat tir mot dinh chinh 1a kich thude cta hinh hop, do vay
thé tich ctia hinh hop duoc tinh bang cong thitc
V =abc=2.3.4 =24 (dvtt).
Cau 36: Pap an B.
Thé tich ctia khdi chép dwgc tinh bang cong thite

1%

SABC ABC

3 Lsas 1 3. ; ”‘2/_ a=2
Cau 37: Dap an A.

Ta c6 hinh vé bén

Goi D la trung diém ctia BC . Vi ABC 1a tam gidc déu nén AD la trung tuyén va
cting la duong cao cua tam gidc ABC = AD 1 BC (1) .

Tam giac A’BC can tai A’ nén A'D la trung tuyén ciing la duong cao ctia tam
gidc A’/BC= A’'D 1 BC (2).

T (1) va (2) suy ra ((ﬁm})=m=60°.

Tam gidc A’DA vuéng tai A c6 A'DA=60°= A'A = AD.tan 60° = é.\f ==

A 1 a\/_ 3a 3\/—11
e A=y 1 T
Cau 38: Dap an B.
Ké AH L SB tai H.
Tacé SALBC,BC L AB = BC 1(SAB) =(SBC) L(SAB).

Vay V=Bh=5 (dvtt).

(SBC) L(SAB)
(SBC)n(SAB)=SB= AH L (SBC)
AH L SB

=d(A,(SBC))= AH .
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11,1
AH? SA®  AB?

Tam gidc SAB vuong tai A c6 duong cao AH =

= =—t+—=
B IqH2 3a az
Cau 39: Dap an A.
Ta co sinz?B\C=£<:>i
BC  BC
Cau 40: Pap an A.
Thé tich ctia hinh tru dwgc tinh bang cong thitc
V=Bh=nR*h=nR*3=12n=R=2.

A € Vay dién tich xung quanh ctia hinh trula S, =27nRh=12r (dvdt).

1 1 1 AH:a;@_

l:BC=2a.
2

Cau 41: Pap an B.
S Trong cudn bd dé tinh tily mon toan 2017 t6i da nhic ki vé viéc x4c dinh tAm
cta khoi cdu ngoai tiép hinh chop. Do vay ¢ day ta cé 1oi giai sau
Loi giai
Goi H la trung diém ctia AC, khi d6 H la tam ctua duong tron ngoai ti€p tam
giac ABC (do tam giac ABC vuong tai B).

Tt H ké Hx vudng goc voi (ABC ) Goi giao gitra trung triec cia SA va Hx la I
Khi d6 I 1a tam ctia khoi cau ngoai ti€p hinh chép S.ABC. Vay IA la ban kinh
SA AC _N3°+4* 5

ctia khoicau. Taco [H="—=6; AH = — — == Khidd
2 2 2 2

2
AN + AR = 62 + 2 =B vay v o2 o 2 5 2097 _2197m
2 2 3 378 6

Cau 42: Pap an A.

Ta ¢6 hinh vé minh hoa cta 6ng bi thoat nuwéce ¢ bén

Ta nhéan thay luong bé tong phai d6 vao dé€ lam bi la hiéu thé tich cua khéi tru
16n bao ngoai bi, va thé tich ctia khoi tru 16i. Tt day ta co

V=V, -V, =nh(0,7" -0,6*)=m.2.(0,3" —0,2 ) =0,1r (m").

Cau 43: Pap an A.
Mt cau (S):(x—1)" +(y-2)" +(z2+3) =4.
Cau 44: Dap an C.

Vecto chi phuwong ctia d la u= (—1; 2; 3) .

Cau 45: Dap an A.

Mt phang (P) co vtpt nT = (1; —2;3)

Mat phfmg (Q) co vtpt ﬁ; = (—2; 4; —6) = —2(1; —2;3) .

Ta thay Z I ﬁ; va diém A (0; 0; g] nam trong mat phang (P) ma khong nam
trong mat phang (Q), do vay hai mit phang nay song song.

Cau 46: Dap an C.

Mit cau (S) c6 tam I(-1;-3;2), bankinh R=v2+1+9+4=4.

Cau 47: Dap an C.
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Mit phang (P) vudng gdc voi duong thang d, do d6 mat phang (P ) vuong goc
voi vitcp u= (2,' 1 —1) ctia duong thang d. Vay
(P):2(x-2)+y—(z+1)=0=2x+y—2z-5=0.
Cau 48: Dap an D.
x=-2+t
Tacé A:{y=2+t . Goi Hla giao ctia d va A . Nhan thay H thudc mat phang
z=-t
(P), do vay(-2+t)+2.(2+t)-3.(~t)+4=0t=-1= H(-3;1;1).
Puong thang d qua H(—B; 1;1) va co vtcp U= (a,' b;c).
Ma hai duong thang d va A vudng géc véi nhau nén chon D.
Cau 49: Dap an B.
Tacod 1(1; —2;1) 13 tAm mat cau.
1-2.(-2)-21+3

d(L;(P)

(7)) JU+(2) +(-2)
Cau 50: Pap an D.
Taco 0<a<90°.

=2=R = chonB.

Gia st ;1=(a,b,c) la vtpt ctia mt phang (Q)
Khi d6 mat phang
(Q):a(x—1)+b(y—2)+c(z+1):0<:>ax+by+cz—a—2b+c=0

Ma (Q) chtra B(0;4;0) =>4b-a-2b+c=0<-a+2b+c=0<2b=a-c

STUDY TIPS
Bén la cach lam truyén |2a —b- 2C| |4b _ b| |a _ C|
thdng, toi chua tim ra cach Tacd cosa = —= = = =T
lam nhanh hon ctia dang 3Va> +b +c , (a_c) ) \/5(a2 +cz)—2ac
todn nay, mong quy doc gia 3ya” + T4 +c
gop y thém.
T2 a* —2ac + c?
5a*> — 2ac + 5¢”
2
2 284
Chia ca ttr va mau cho ¢? ta c6: T? =—£ . €
a a
5~ -2-+5
c c
N . -2t +1
Pit T=t thi TP =————=f(¢t)
c 5t° —=2t+5
T o £ -2t+1 t=1
Xét ham s6 f(t)zz— co f'(t)=0<:> .
5t —2t+5 t=-1

D€ goc gitra hai mat phrfmg dat GTNN thi cosa dat GTLN, t&cla t=-1

3
= coso=—
3
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DE ON LUVEN $0 13

Cau 1: Cho a>0;b>0 thoa man a®+b?="7ab.

Chon ménh dé dung trong cac ménh dé sau?

A. 3log(a + b) = %(logﬁ log, )
B. logi?’b = %(logﬁ log, )

C. 2(logu+ logb) = log(7ab)

3
D. log(a + b) = E(logﬁ logb)

Cau 2: S6 canh ctia mot hinh 1ap phuong la
A.8 B. 12 C.16 D. 10
Cau 3: Trong cac ham s6 sau, ham s nao luén

dong bién trén tirng khoang xac dinh ctia n6?

2x+1
- xx+1 (I); y=—x"+x*-2(Il); y =x> —3x—5(III).
A.Tvall B.Chil C.Ivalll D.Ivalll

Cau 4: Diém cyc dai ctia d6 thi ham so

y=x"-5x"+7x-3 la:

A (7,22 5 (7,22
327 3 27

C. (1,0) D. (0;-3)

CAu 5: Gid tri 16n nhit cia ham sO
. .3 A ) T T M
y =3sinx —4sin” x trén khoang [_E’Ej bang:

A.3 B.7 C.1 D.-1
Cau 6: Cho khoi chép ¢ day 1a da giac 16i c6 7
canh. Trong cdc ménh dé sau, ménh dé nao dung?

A. S8 mit ctia khdi chép bang 14

B. S8 dinh ctia kh&i chép bang 15

C. S8 mit ctia khdi chdép bang s6 dinh ctia né

D. S8 canh ctia khdi chép bang 8
Cau 7: Cho ham s6 y= f(x) xac dinh trén cac
khoang (0; +oo) va thoa man lll_rgf(x) =2. Vodigia
thiét d6, hay chon ménh dé dung trong cac ménh
dé sau?

A. Duong thang y =2 1a tiém can dtng ctia 86

thi ham s§ y = f(x)

B. Duong thang x =2 1a tiém can ngang ctia 86
thi ham 6 y = f(x)

C.Duong thang y =2 1a tiém can ngang ctia d6
thi ham s8 y = f(x)

D. Duong thang x=2 1a tiém can dtng ctia 86
thi ham s6 y = f(x)
Céu 8: Choham s8 y =mx* —(m—1)x" —2. Tim t4t
ca cac gia tri thuc cia m d€ d6 thi ham s6 ¢6 ba

diém cuec tri.

A.m<1 B. O<m<1
C. m>0 D. me(—oo;O)U(l;-HD)
X2 +x-2
Cau 9: Tim m dé d6 thi ham s6 y=————— 6
x“=2x+m

2 tiém can ding.
B. m#1lva m#-8
C.m>1lvam#-8 D. m>1
Cau 10: Cho khdéi lang tru tam giac ABC.A'B'C’
c6 thé tich bang 30 (dvtt). Thé tich ctia khéi t dién
AB’C’Cla:
A. 12,5 (dvtt) B. 10 (dvtt)
C.7,5 (dvtt) D. 5 (dvtt)
Cau 11: Cho hinh chép S.ABCD c6 day ABCD la

A. m<lva m#-8

hinh thoi tam I ¢6 canh bang g, BAD =60". Goi H
la trung diém cuaa IB va SH vudng goc véi
(ABCD). Géc giita SC va (ABCD)bang 45°. Tinh
thé tich ctia khéi chop S.AHCD.
A. —\/%aS B. —@tf C. @cf D. \/%613
32 24 32 24
Cau 12: Cho khéi ttr dién ABCD.Lay mot diém M

nam gitta A va B, mot diém N nam giita C va D.
Bang hai mit phang (MCD) va (NAB) ta chia
khéi tir dién da cho thanh bon khdi ti dién:

A. AMCN, AMND, BMCN, BMND

B. AMCN, AMND, AMCD, BMCN

C. BMCD, BMND, AMCN, AMDN

D. AMCD, AMND, BMCN, BMND

202 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem



25 dé cot 16i Toan 12

Ngoc Huyén LB - facebook.com/huyenvu2405

Cau 13: Nguoi ta mudn xay dung mot bon chia
nudc dang khoi hop chit nhat trong mot phong
tdm. Biét chiéu dai, chiéu rong, chiéu cao cua khéi
hop d6 Tan lwgt 1a 5m, 1m, 2m (nhw hinh vé). Biét
mdi vién gach c6 chiéu dai 20cm, chiéu rong 10cm,
chiéu cao 5cm. Hoi nguoi ta can st dung it nhat
bao nhiéu vién gach d€ xay hai birc twong phia
bén ngoai ctia bon. Bon chira dwgc bao nhiéu lit

nudc? (Gia st lwong xi mang va cat khong dang keé)
1dm

/ WA

1dm : Vy /

5m
A. 1180 vién; 8800 lit  B. 1182 vién; 8820 lit
C. 1180 vién; 8820 lit  D. 1182 vién; 8800 lit
Cau 14: Pao ham ctia ham s6 y =10" la:
10*
In10
Cau 15: Cho hinh ch6p S.ABCD c6 day ABCD 1la
hinh binh hanh, M va N theo tht ti 1a trung diém

B. 10~In10 C. x.10*" D. 10*

cia SA va SB. Tinh ti s8 thé tich /SN 1y,
S.CDAB
Al B2 c3 p. 1
4 8 8 2

Cau 16: Cho ham 6 y =—— ¢6 db thi (C). Tim
x —

m d&€ duong thang d:y=—x +m cat do thi (C) tai

hai di€ém phan biét?

A.l<m<4 B. m<0Qhoac m>2

C. m<Ohoac m>4 D. m<lhodac m>4
Cau 17: Biéu thteQ=vx dxdx* véi (x>0) viet
dudi dang lay thira v6i s6 mit hitu ty la
2 5 5 7
A.Q=x* B.Q=x® C.Q=x* D.Q=x°
Cau 18: Cho ham s8 y=x" —2mx” +2m+m*. Vi

gia tri nao cua m thi do thi (Cm) ¢ 3 diém cuec tri,

dong thoi 3 diém cuyec tri d6 tao thanh mot tam giadc

c6 dién tich bang 4

A. m=316 B. m=16
C. m=316 D.m=-316

Cau 19: Gié tri ctia biéu thic E =319 272

bang:
A1l B. 27 C.9 D.3
Cau 20: Tim tiém can ding va tiém can ngang ctia
d6 thi ham s8 y = 2+
x-1

A.Tiém can ding x =1, tiém can ngang y =-1.
B. Tiém can ding y =1, tiém can ngang y =2.
C. Tiém can ding x =1, tiém can ngang y =2.
D. Tiém can ding x =1, tiém can ngang x =2.
Céu 21: Puong cong trong hinh vé la d6 thi cua

ham s nao dudi day?

A

A\ 4

A y=x'-2x"+2 B. y=x"-3x"+2

C.y=-x"+2x>+2  D. T4t ca déu sai

Cau 22: Cuong d6 mot tran dong dat dugc cho boi
cong thicM =log A-logA,,voi A la bién do
rung chan tdi da va A la motbién d6 chuan (hang
s0). Pau thé ky 20, mét tran dong dat & San
Francisco c6 cuong do do dwoc 8 do Richter.
Trong cung nam d9, tran dong dat khac 6 Nhat
Ban c6 cuong do do duoc 6 do Richer. Hoi tran
ddng dat & San Francisco c6 bién d¢ gap bao nhiéu
lan bién d¢ tran dong dat ¢ Nhat ban?

A.1000Tan B.101an C.2Tan D. 100 [an

Cau 23: Tim tat ca cac gia tri thue ctia tham s6 m

. N (m+1)x+2m+2
sao cho ham s6 y =

nghich bién
X+m

trén khoang (—1; +oo) .
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A. m e(—oo;l) u(2;+oo) B. m>1

C. -1<m<2 D. 1<m<2
Céu 24: Tim m d&€ham s6: y=—+3n¢ —3(2m-1)x+1
nghich bién trén R?

A . m=1

B. Khong co gia tri cia m

C.m=#1

D. Ludn thoa man véi moi gia tri caa m
Cau 25: Cho hinh chép S.ABC c6 ddy ABC la tam
gidc vuong tai A, AB=a,AC=2a,5C=23a.5A
vudng goc voi ddy (ABC). Thé tich khdi chop
S.ABC la:

3
c.”ﬁ

3
12 4 3 aZ
Cau 26: Cho ham sd y=ix4 -2x*-1. Chon
khéng dinh dtng

A. Ham s6 dong bién trén cac khoang (—2;0)
va (2; +oo)

B. Ham s6 dong bién trén cac khoang (—oo; —2)
va (0;2)

C. Ham s6 nghich bién trén cac khoang
(—oo;—2) va (2;+oo)

D. Ham s6 nghich bién trén cac khoang (—2; 0)
va (2;+oo)

Cau 27: Ham s6 y =log, (—x2 + 5x—6) o tap xac

dinh la:
A. (2;3) B. (—0;2)
C. (3;+oo) D. (—oo;2)u(3;+oo)

Cau 28: Cho hinh chép S.ABCD ¢6 (SAB) va (SAD)
cung vuong goéc (ABCD), duong cao cua hinh

chop la:
A. SC B. SB C.SA D. SD
2 —
Céau 29: Choham s6 y = . Hay chon ménh

dé dang trong cac ménh dé sau:

A. D06 thi ham s0 c6 tiém can ngang la y=-1,
o tiém can ding la x =0.

B. D6 thi ham s6 ¢6 hai tiém can ngang la y =1
va y=-1

C. D0 thi ham s0 ¢6 hai tiém can ngang la y =1
va y=-1,cé tiém can ding la x =0.

D. D6 thi ham s6 ¢6 hai tiém canngangla y =1,
co tiém can duing la x =0.

Cau 30: Tinh P =3log, (log, 16)+log, 2 c6 két qua:
2

A.2 B.1 C. 4 D.3
Cau 31: Tim m d€ phuong trinh:

x*—5x% + 4‘ =log, m c6 8 nghiém phan biét

A 0<m<i2® B. Khong co gia tri ctia m

C.1<m<‘\1/2_9 D. —3/2_"'<m<‘\*/2—9
Cau 32: Mot con ca hoi boi nguoc dong dé vuot
mot khoang cach 1a 200km. Van t6c ctia dong
nudce la 8km/h. néu van tOc boi cua ca khi nude
ding yén la v(km/h) thi nang lwong tiéu hao cta
ca trong 1 gio duoc cho bdi cong thirc: E(v) =cv't
(trong d6 c 1a mdt hang s8, E duoc tinh bang jun).
Tim van t6c boi cua ca khi nudc ding yén dé nang
lwong tiéu hao la it nhat

A.12km/h B.9km/h C.6km/h D.15km/h
Céu 33: Cho ham s8 y = f(x)c6 d6 thi nhw hinh
vé sau, cac khéng dinh sau khéng dinh nao la
dung?

A. Ham s dat cuc tiéu tai A(—l; —1) va cuc dai

tai B(3;1).

204 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem



25 dé cot 16i Toan 12

Ngoc Huyén LB - facebook.com/huyenvu2405

B. Ham s0 ¢ gia tri cuc dai béng 1

C. Ham s6 dat gid tri nho nhat bz‘?mg -1 va dat
gia tri 1én nhat bang 3

D. Db thi ham s8 ¢6 diém cuc tiéu A(-1;,-1)va
diém cuc dai B(1;3).
Céu 34: Cho ham s6 y=f (x) xac dinh, lién tuc

trén R va c6 bang bién thién

X —00 -1 0 1 +00
Y + 0 - 0 + 0 -
y

2 \_OO

A. M(O; 1) duoc goi la diém cuec tiéu cia ham sd

N

Khiang dinh nao sau day la sai?

B. x, =—1dwoc goi la diém cyee dai ctia ham s6

C. f(#1)=2 duoc goi la gia trj 1on nhat ctia ham s§

D. f (1) =2 dwoc goi la gia tri cye dai ctia ham s6

Cau 35: Cho hinh chép S.ABCD c6 day ABCD la
hinh thang vudng tai A va D; biét AB=AD =2a,
CD = a. Géc gifta hai mat phang (SBC) va (ABCD)

bang 60°. Goi I 1a trung diém ctia AD, biét hai mat

phang (SBI) va (SCI) ciing vudng goc véi mat

phang (ABCD). Tinh thé tich cta kh&i chdép

S.ABCD
3 3 3 3
3v/5a B 3v15a C. 3v15a D. 3v5a

8 ~ 5 8 5
Cau 36: Cho hinh chopS.ABCD c6 day la hinh

A.

vuong canh a, SD =

a 217 . Hinh chiéu vuéng gbc
H ctia S 1én mat (ABCD) 1a trung diém cua doan
AB. Goi K1a trung diém cta AD. Tinh khoang cach

gitta hai duong SD va HK theo a.

A & B & a\/i 3a

. C. D. —
7 5 5 5
4
Cau 37: Ham s6 y:(3—x2) 3 ¢6 dao ham trén

khoang (—/3;V3) 1a:

A y:_g(a_f)i B, y:%x(3—x2)37

C. y:—%x(3—x2)37 D. y:—%xz(?)—xz)37

Céu 38: Ham s6 nao sau day c6 bang bién thién

nhuw hinh bén:

X —© 2 +00
Y - -
’ 1 \ - \
—© 1
x—3 x+3
A. = B. =
y x—2 y x—2
:2x+3 D-y:2x—7
x—2 x—2

Cau 39: Cho hinh chép S.ABCD c¢6 day ABCD la
hinh vuéng canh a. Biét SA L (ABCD); SA=a+/3.
Tinh thé tich cua khoi chop

3 3 3
A. 3 B.”ﬁ c. L D.”ﬁ
3 4 12

Cau 40: Dita =log,15; b=1log, 10. Hay biéu dién

log ;50 theoavab.
A. log ;50=3(a+b-1) B. log ;50=(a+b-1)
C. log ;50=2(a+b-1) D. log;50=4(a+b-1)
CAu 41: Tinh dao ham ctia ham s&:

y=log,, (xz + 1)
o 2x . 2x

A= 5017 By =(x2+1)ln2017
. 1 1
Cv _(x2+1)ln2017 -y (x*+1)

Cau 42: Choham s6 y=-x"+3x" —6x—11 ¢6 do
thi (C ) Phuong trinh ti€p tuyén voi do thi (C ) tai
giao diém cua (C ) véi truc tung 1a:

A. y=6x-1lva y=6x-1

B. y=6x-11

C.y=-6x-11va y=—6x-1

D. y=-6x-11

Cau 43: Ham s6 y =—; N c6 bang bién thién nhw
x* +

hinh vé. Xét trén tap xac dinh cta ham s6. Hay

chon khang dinh dtng?
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b —00 0 +00
Y + 0 -
¥ 1

A. Ham s6 c6 gid tri 16n nhat bang 1 va gid tri
nho nhét bang 0

B. Ham s6 ¢6 gia tri 16n nhat bang 0

C. Khong ton tai gia tri 16n nhat va gia tri nho
nhat cia ham s6

D. Ham s8 c6 gid tri 16n nhat bang 1
Cau 44: Trong cac ménh dé sau, ménh dé nao sai?

A. Thé tich ctia khdi lang tru c6 dién tich day B

vachiéucaohla V = %B.h

B. Thé tich ctia kh&i hop bang tich ctia dién tich
ddy va chiéu cao cua né

C. Thé tich ctia khdi hop chit nhat bang tich ba
kich thude ctia né

D. Thé tich cua khdi chép 6 dién tich day B va

chiéucaohla V = %B.h

Cau 45: Ham s8y =x° — 3x* - 9x +2017 dong bién

trén khoang;:
A. (—00;3) B. (—oo; —1) va (3; +oo)

C. (~1+) D. (-1,3)

Cau 46: Thé tich cua khéi lang tru tam giac déu c6

tat ca cac canh déu bang a 1a:

e 23 23

C. D.
2 4 12

3
AL B.
2

Cau 47: Mot nguoi gui tiét kiém sO tién
100.000.000 VNP vao ngan hang voéi lai sudt
8%/nam va lai hang ndm duoc nhap vao von. Hoi
sau 15 nam so tién nguoi &y nhan vé la bao nhiéu?
(lam tron dén don vi nghin dong?

A.117.217.000 VND  B. 417.217.000 VND

C.317.217.000 VND  D. 217.217.000 VND
Cau 48: Gi4 tri 16n nhat va gia tri nho nhét cua

ham s y = —xz — 2xl+ 3 trén doan [2;4] la:
x —
A. minf(x) = 2'maxf(x) 1
[2:4] "] 3

B. r[guﬁlf(x) =2\/§;r[rzlgi<f(x) =3

C. I[Izufff<x) =2; Iﬁii(f(x) =3

i 11
b. I[Izlﬁr]lf(x)zz\/irr[rzlij(f(x)zg

Cau 49: D6 thi hinh bén 1a cia ham so

A

/1

/

CAu 50: Khoi bat dién déu 1a khoi da dién déu
loai:

A. {53}

Y

A y=x"-3x"+1 B.y=x"+x"+1

C.y=—x"+3x"+1 D.y=x"+x+1

B.{3;5} C. {43} D.{3;4}
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DAP AN
1B 2B 3B 4C 5C 6A 7C 8D 9A 10B
11C 12A | 13C 14B 15C 16C 17B 18A 19C 20C
21A | 22D | 23D | 24A | 25C | 26A | 27A | 28C 29B 30A
31C | 32A | 33D | 34C 35B 36B 37B 38B 39B 40C
41B | 42D | 43D | 44A | 45B 46C | 47C | 48D | 49D | 50D

HUONG DAN GIAI CHI TIET
Cau 1: Bap an B.

(Ll+b)2 +b 2
Taco a* +b> =7ab <:>(a+b)2=9ab e 0 =ab <::>log[—ﬂ3 j =logab
210ga;:b:10ga+logb ®loga;b=%(loga+logb).

Cau 2: Pap an B.
Hai mdt day mdi mit cé 4 canh, va 4 duwong cao la 12.
Cau 3: Pap an B.

Vi I ta nham nhanh: y'= >0 = thoa man

(x + l)2

Vi II: ham bac bon trung phuong ludn c6 khoang dong bién va nghich bién nén
loai.
V6illl: y'= 3x* — 3 ludn ¢6 2 nghiém phan biét (loai).
Neén chi I thoa man.
Cau 4: Dap an C
7 32

Tacd y'=3x>-10x+7 y'=0< x—3:y 27 . Do 0>—% nén chon C.
x=1=y=0

Cau 5: Dap an C.

Cach 1: Dat sinx =t :>te(—l;1)

Khid6 f(t)=(3t-48)=-12 +3=0| 2
. 1) 1 ~ \ 1
So sanh f [E] va f(—aj tathdy GTLN la f [Ejzl

Céch 2:

y'=3cosx —12.cosx.sin’ x =0 < 3cosx(1 —4sin® x)=0

T
cosx=0©x=§+k7t

x=£+k2n
= sinx:§<:> 5
x=—n+k27t
6
x=—£+k2n
. 1 6
51r1x=—§<:> -
x=%+k2n
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T M) A T -
Do xe| ——;= | nén xe<—;—
33 e 5]

Khi d6 so sanh f(gj,f(%] ta thay Max f(x) = f[g} =1

2'2
Cau 6: Dap an C.
Ta chon ludén duoc C bdi mdi canh sé tewong tng voi mot mat bén cua khdi chop.
Cau 7: Pap an C

Ta cé

Duong thing y =1y, 1a tigm cin ngang ciia do thi ham s6" y = f(x) néu it nhat mot
trong cic diéu kién sau dwrgc théa man

lim f(x)=y,, lim f(x)=y,

X—>+00

Vay ta thdy C dung.

Cau 8: Pap an D.

D& duong thang ham s6 c6 ba diém cuec tri thi:

Ta nhé lai dang &6 thi ma t6i da nhac di nhac lai trong 16i giai chi tiét & bo dé
tinh tuy, ta thdy ham bac bon trung phuong mudn c6 ba di€ém cuec tri thi phuong
trinh y'=0 phai c6 3 nghiém phan biét.

Ta ciing dén véi bai todn goc nhw sau: ham sy = ax* +bx* +c

Xét phwong trinh  y'=4ax’ +2bx =0 . Dé phwong trinh ¢6 3 nghiém phin biét thi

a=0
2ia<0
m#0 m#0
Khi d6 ap dung vao bai toan ta dwoc: —(m—l) 0 S m>1
m m<0

Cau 10: Dap an B

Khi d6 ta ¢ thé so sanh truc ti€p cling dugc, tuy nhién ¢ day ta cd thé suy luan
nhanh nhu sau:

Khéi B'ABC ¢6 chung duong cao ké tir dinh B” dén day (ABC ) va chung day

Vs
ABC véi hinh lang tu ABC.A'B'C'. Do vay e 1 Twong tu ta cd
ABCA'B'C'

ly =V 30

ABCA'B'C’ AB'C'C 3

Vawwe 1 yhids v, =t
VABCA'B'C' 3
Cau 11: Dap an C.
Ta s& tw duy nhanh nhu sau: Nhin vao hinh thi dé nhén ra hai khéi chép S.ABCD

va S.AHCD c6 chung chiéu cao nén ta chi can so sanh 2 dién tich day. Di nhién

=10.

2 3 S
.S 25 7 PBCD A
ta thay 248D _ “2amp _ 4 222‘122' Vay Ve EVs
ABCD SABCD SABCD 4 2 4 4 ABCD
Miit khéc ta 6 BAD = 60°
A'—" D = tam gidac ABD déu, nén AB=BD=AD=a=IH =§.
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2 2
Khi dé HC =IH? +IC? = N a\f] =a\iﬁ.
af

Khi dé SH=HC =

(do SCH =45°nén tam gidc SCH vuong can tai H).

w13 a3 3 a%/@

_1
3714 YT 1 »

3
= Viancep = 'SH S spcp Z -
Cau 12: Dép an A.

Nhin vao hinh vé ta thdy MN la giao tuyén ctia hai mat phang (MCD) va (NAB),

khi d¢ ta thdy tt dién da cho dwgc chia thanh bon t¢ dién AMCN, AMND,
BMCN, BMND.
Cau 13: Pap an C

* Theo mét tredc cua bé:

S6 vien gach xép theo chiéu dai ctia b& mdi hang la: x = 52—(3) =25 vién

S& vién gach x&p theo chiéu cao ctia b& mdi hang 1a : 2—20 =40. Vay tinh theo

chiéu cao thi c6 40 hang gach mdi hang 25 vién. Khi d6 theo mét truede ctia bé.
N =25.40=1000 vién.

* Theo mdt bén cua bé: ta thdy, néu hang mat trude cua bé da duoc xay vién hoan
, e 1t 2 1A A 1 TR SN
chinh doan n6i hai mét thi & mat bén vién gach con lai sé duwoc cat di con 5 vién.

100-20

Ttec 1a méat bén sé co %.40 + 40 =180 vién.

Vay tdng s vién gach 1a 1180 vién.

Khi d6 thé tich bo twong xay la 1180.2.1.0,5=1180 lit

Vay thé tich bon chita nuwdce la: 50.10.20-1180 = 8820 lit

Cau 14: Pap an B.

Tac6 (107) =In10.10°

Cau 15: Pap an C.

Ta thdy viéc so sanh ludn thé tich hai khoi nay truec ti€p thi sé kho khan do d6 ta
sé chia ra nhu sau:

S.MNCD =S.MCD +S.MNC va S.ABCD =SACD +S.ABC . Khi d6 ta c6

Vsuco _1 =V = lv (do M _1 va chung dién tich day SCD)
VSACD 2 SMCD 4 SABCD d(A,(SCD)) 2 ~
% S 1 1
Tacd —SMNC _ZSMN _ — |/ ==V
VSABC SSAB 4 SMNC 8 SABCD
1 1 3
Tk trénsuy ra V,, ., = [4 + S]VSABCD = gVSABCD

Cau 16: Dap an C.

Xét ph inh hoanh 6 giao diém —— = -
ét phuong trinh hoanh d6 giao diém —— =(~x+m) < (x—m)(x~1)+x=0
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@{(1—m>(1—1)+1¢0

xz—(m+1)x+x+m=0

S —mx+m=0

o Aa m>4
Thoa mén yéu cau dé bai & m’> —4m>0< .
m<0
Cau 17: Pap an B.
15 5
Tacd Q=x2.x%.x° =x°
Cau 18: Pap an A.
Nhu ¢ cau trén t6i da cm bai toan gdc thi ham s6 c6 ba diém cuc tri khi
_2Tm<0<:>m>0(loaiD).
D6 thi ham s6 ludn c6 ba diém cuec tri A(O;2m + m4) ; B(xl;y);C(xz;y) déi xting
nhau qua Oy. Phuong trinh di qua hai diém cuec tiéu:
/ Ta nhé lai dang d6 thi ham bac 4 trung phuong c6 hé sd a >0 va 3 diém cuc tri
\ x

ma toi da gidi thiéu trong phan giai chi tiét ctia sach giai dé (hinh bén).

Taco y, =y, =f(x/%)=f(—x/%) =m*-2m* +2m+m* =m* —m* +2m.

2

a>0 Khi d6 d(A;BC)=‘2m+m4—(m4+2m—m2)

=‘m2‘=m

Nhu vy 16 rang: S ,,. :%.d(A;BC).BC = %.mz.zx/E =4=m=16.

Cau 19: Pap an C.
Bam may tinh ta cé dugc két qua trén.
Cau 20: Pap an C.

Ta c6 tiém can ngang ctia ham sG1a y = % =2,;TCbhla x=1

Cau 21: Pap an A.

Ta thdy duwong cong dang chit W

(nhu t6i da néi rang né 1a meo trong cac dé thi c6 dang nay khi: a >0 va phuong
trinh y'=0 cd ba nghiém phan biét). Ttr day ta loai C.

Tiép tuc v6i A va B ta xét xem y, c6 ndm phia trén truc hoanh hay khong.

Ta nham nhanh: V6i A thi phwong trinh y'=0 cé nghiém x =+1 khi d6 y(l) =2

(thoa man).
Cau 22: Pap an D.

A A
Tacd M=log—t =-—1=10°
AO AO

A _10°

10°

A
Tuong tu A—2 =10° = 100

0 2

Cau 23: Dap an D.

S 1<m<2.

g M N ‘. \ —-mg _1;+OO 2 -2<0
Dé thoa man yéu cau dé bai thi { ( ) = {m "

y'<0 mz1
Cau 24: Pap an A.

y'=-3x" +6mx—3(2m—1); A'=m2—2m+1=(m—1)220.
Vé6i m=1 thi théa man.
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Cau 25: Dap an C.
Tam gidc SAC vudng tai Anén SA=+SC* - AC* = «/(3a)2 —(2a)2 =a\5
@5

3

Khi do V.

S.

1 1 1
e =§_SA,SABC =§.a\/g.5.a.2a =

Cau 26: Dap an A.

=0 “ .
Xét phuwong trinh y'=0 < x° —4x=0 < {x Py Nhu da gioi thiéu vé cach nhé
x=4%

dang d6 thi ham bac bén trung phuwong cd hé s6 a = % >0 nén o day ta c6 thé xac
dinh nhanh ham s6 dong bién trén (—2;0) va (2;+oo), ham sd nghich bién trén
(—oo;—Z) va (0;2).

Cau 27: Dap an A.

Diéu kién: —x* +5x-6>0<=2<x<3

Cau 28: Pap an C.

Ta nhé ki rang hai mat phiang bén cling vudng géc véi mit phang day thi giao
tuyén ctia hai mit phang chinh la duong cao ctia hinh chép.

Cau 29: Dap an B

2 2
Taco lim Lo fim [1-2 =1; lim ¥ _pim - 1- L -4
X

X400 X X—>+o0 X—>—o0 X xX——0 X

= y =1y =-1 la hai tiém can ngang cua d6 thi ham sé.

A 2_
Ta cé lim x -1

x—0" X
Cau 30: Dap an A.
Bam may tinh ta duwoc: P =2
Cau 31: Pap an C.
bit log, m=a>0 khi d6 m=2". Xét ham s6 f(x):‘x4 —5x° +4‘ ta sé xét nhu

khong ton tai.

sau, vi day la ham s8 chdn nén ddi xtng truc Oy. Do vay ta sé xét ham
g(x)=x*-5x" +4 trén R, sau d6 ldy ddi xting d& vé do thi ham y = f(x) thita
gitt nguyén phan do thi phia trén truc hoanh ta duoc (P1)/ 1dy d6i xtiing phan
phia dudi truc hoanh qua truc hoanh ta duoc (P2 ) , khi d6 d6 thihams6 y = f (x)
1a (P)=(P,)u(P,). Liclam thi quy doc gia cd thé vé nhanh va suy dién nhanh.

1

Nhin vao d6 thi ta thady d€ phuwong trinh da cho c6 4 nghiém thi 0 <a <%

:>1<m<§1/279

Cau 32: Pap an A.

Ta co 200=(U—8).t =>t= 200 Khi d6 E(v):cv3 20 pocla hang s& nén dé
v-8 v-8

N A oy 2000° . .

nang luong tiéu hao it nhat thi f (v): g nho nhat.

Xét ham s0 f(v) trén (8;+oo)

30* (v-8)-v° S o4t
£'(v)=200.= (v-8)- _ 200,20 =240 f(v)=0=0v=12.

(0—8)2 (0—8)2
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Cau 33: Dap an D.

A sai do toa 30 diém B sai.

B sai do gia tri cuc dai ciia ham s6 la 3.

C sai do d¢ chi la gia ti cuc tri cia ham s6.

Cau 34: Pap an C.

C sai do d6 chi la gia tri cuc dai ctia ham s6.

Cau 35: Dap an B.

Nhu da nhéc & cau trude thi do hai mat phing (SBI ) va (SCI ) cung vudng goc
v6i (ABCD) nén SI 1( ABCD) nén S 1a dudng cao cua S.ABCD.

Ké IK L BC tai K. Khi d6 ta ching minh duoc SKI = ((SBC);(ABCD)) = 60°. Ta

vé hinh phang cta mat ddy. Ta c6 M = ADNBC ta chting minh dwoc CD la
duwong tung binh ctia tam gidc ABM.

Khi d6 AM = 4a;BM =,|(2a) +(4a)” =2ay/5;IM =3a.

IM _ IK K= 3a 0= 3a

E Za\/g ' ﬁ

3
Khi d6 S1— IK.tan60° = 3% 3 =303 4 =l,3aﬁ%(a+2a),2a _ 315

K J5 J5 3 5 5

A——B Tacdé AKMI ~AAMB =

b C Cau 36: Pap an B.
Ta cé SH =+/SD? — HD? =+/SD* —~HA? - AD* =a\/3 ; AO=%=§

HK || BD= HK||(SBD) = d(HK;SD)=d(HK;(SBD)).
Ma d(HK;(SBD)) = d(H;(SBD)) (hé qua toi da nhic dén trong sach dé vé ti s6
khoang cach giita hai diém dén mot mit phang).

Ké HM L BD;HN L SM tai M. Khi d6 d(H;(SBD))=HN .

Ma

Lo L b =22 o g(hksp) =222
HN® SH® HM 5 5

Cau 37: Dap an B

y=—4 () (3-2) =Ex(3-0)
3 3
Cau 38: Pap an B.
Do TCN ctia d6 thi ham sd1a y =1 do d6 taloai C vaD.
Ta c¢6 ham s6 luén nghich bién trén tirng khoang xac dinh do d6 ta chon B do c6
ad—bc=-5<0 .
Cau 39: Pap an B.

3
v=Llsas Lo3a _aV3
3 3 3

ABCD ~
Cau 40: Dap an C.

Bam mady thir gdn cac gid tri vao cac s§ gan A, B roi xét hiéu hai v& xme c6 bang
0 hay khong, tir d6 ta chon C
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Cau 41: Dap an B

' ' 2
y =(1082017 (xz +1)) zm

Cau 42: Pap an D
Tiép tuyén 1a CT 16p 11 vi thé ngm 2017 sé khong thi dang nay, tuy nhién tdi van
giai nhu sau:
Ta co A(O;—ll) la giao diém ctia (C ) véi truc tung. Khi d6 phuong trinh tiép
tuyén tai A ¢6 dang: y = f'(O)x—ll =—6x-11
Cau 43: Dap an D.
A sai do Ham s6 ko dat gia tri nho nhat1a 0,
B sai do ham s6 dat GTLN bz‘?mg 1.
C sai do co ton tai GTLN cua ham s0.
Cau 44: Pap an A.
Asaido V =Bh
Cau 45: Pap an B.
=0 x=3
x=-1
Néu nhé ludn dang d6 thi nhw toi da gidi thiéu ¢ dé trong bd dé tinh tay toan dé
1a >0 c6 2 diém cuc ti dang chit N, tirc 1a dong bién trén (—oo;—1)va (3;+).
Cau 46: Pap an C
V= a.l.&u = LRE
2 2 4
Cau 47: Pap an C
Sau 15 nam s§ tién nguoi &y nhan vé 1a: 10°(1+0.08)" ~ 317.217.000

Cau 48: Pap an D
(2x-2)(x—1)—(x* —2x+3) 21 x=1+2

(x-1) (x-1) x=1-12

Taco y'=

(o 11
Do do r[girllf(x)zf(1+\/§)=2\/§;r[rzlgi<f(x)=f(4)=€

Cau 49: Pap an D.

Néu thudc bang dang d6 thi ma toi nhdc dén nhiéu [an trong bo dé thi 4t hdn ban
c6 thé nhdm nhanh bai nay. Nham nhanh ta thay tdt ca A, B, C déu ¢6 2 nghiém
phéan biét, do dao ham ra dang ax’ + bx . Ta chon luén D

Cau 50: Pap an D.

Mot khéi da dién 161 dwoc goi la khéi da dién déu loai { p,q} néu:
a) Mbi mét cua né 1a mot da giac déu p canh.

b) Mdi dinh ctia né 1a dinh chung cta ding q mat.
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DE ON LUVEN $

Cau 1: Cho ham sd yzzx_ T Hay chon cau
x_
dung:
yA
o2\ 1 x

A. Ham s0 c6 hai chiéu bién thién.

B. Ham s6 dong bién trén R.

C. Ham s8 dong bién trén cac khoang [—00,' %)

()
va | —;+00
2
D. D6 thi ham s& ¢6 hinh dang
Cau 2: Trong khong gian vdi hé truc toa dd Oxyz,
x=2—t
cho dwong thang d:{y=3t ,teR. Vecto nao
z=2+5t
dwdi day la vecto chi phuong ctia d?
A. i=(2;0;2). B. i=(1,-3;5).
C. i=(-1,-3;5). D. i=(-1;3;5).
Cau 3: Néu y =¢*" thi y'(In2)bing:

A. 2017 B. & C. 27 D.2017+e
Cau 4: Trong khong gian vdi hé truc toa dd Oxyz,
cho vecto MN =(0;1;-1)va M(1;0;2) thi toa dd
diém N la:

A. N(1,1;1)

C. N(-1,-1,-1)

B. N(-1,1,-3)

D. N(1,-1;3)

Cau 5: Gia sit ham s0 f lién tuc trén khoang K
va a,b,c labasdbatky thudc K. Khang dinh nao

sau day la sai?

A. J:.f(x)dx:O

B. z-f(x)dx =—J.f(x)dx

b

P=—%

14

Cau 6: Trong cacham sau, hay chi ra ham sd giam

trén R?
TE X 5 -X
A y=|Z B.y=| =
(3) (3
. 1Y
C. y=(n) D.y=| —
y=() g (2ﬁ]

Cau 7: Nghiém cua bat phuong trinh
log, (4x—3)22 la:

A.x>3 B.x>% C.x>3 D.Z<xs3

Céu 8: Trong khong gian véi hé truc toa do Oxyz,
cho hai diém A(1;-2;3)va B(5;4;7). Phuong
trinh mit cau nhan AB lam duong kinh la:

A (x=1) +(y+2) +(2-3) =17

B. (x-3) +(y-1) +(z-5) =17
C ( —5)2 +(
D. (x-6) +(

Cau 9: Khang dinh nao sau day 1a sai?

x y—4) +(z-7) =17
y—2)" +(2-10) =17

< x>-1.

A. 2017" > L
2017

B. Ham s6 y =log, 2x xac dinh khi x>0

C. D6 thi ham s6 y=2"va y:[%jx ddi xting
nhau qua truc tung.

D. Néu In(x-1)(x-2)=In(x—1)+In(x-2)
thi xphai nghiém dung bat phuong trinh
(x—l)(x—2)>0
Cau 10: Cho s6 phutc z, =1+2i,z, =3+i. Médun
ctia 86 phtic z, +2z, bang:

A.65  B.e5s C21 D421
Cau 11: S6 phtc lién hop véi sd phic
z=(1+i) -3(1+2i) la:

A.-9-10i B.9+10i C.9-10i D. -9+10i
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Cau 12: Trong khong gian vdi hé truc toa do

x=1+2t
Oxyz, cho duong thing d: y=t va mat
z=-2-3t

phéng (P):2x+y+z-2=0. Giao diém M cta d
va (P) c0 toa do la:
A. M(3;1;-5)

C. M(4;3;5)

B. M(2;1;,-7)
D. M(1;0;0)
Cau 13: Cho ham sd y :(x—l)(x+2)2. Trung
diém ctia doan thzfmg ndi hai diém cuec tri ciia 46
thi ham s8 nam trén duong thang nao dudi day?
A.2x-y-4=0 B.2x-y+4=0
C.2x+y+4=0 D.2x+y-4=0
Cau 14: Ba A gui 100 triéu vao ngan hang theo
thé thuc 1ai kép (dén ky han ma nguoi gii khong
rut 13i ra thi tién 1ai dwgc tinh vao vén cua ky k&
ti€p) vai lai sudt 7% mot nam. Hoi sau 2 ndm ba
A thu duoc 13i 1a bao nhiéu (gia str 1ai sudt khong
thay doi)?
A. 15 (triéu dong) B. 14,49 (triéu dong)
C. 20 (triéu dong) D. 14,50 (triéu dong)
Cau 15: Cho hinh chép S.ABCD, day la hinh chit
nhat ABCDc6 BC=2AB,SA L (ABCD)va Mla
diém trén canh ADsao cho AM = AB. Goi V,,V,
lan lwot la thé tich ctia hai khéi choép S.ABM va

V.
S.ABC thi Vlbéng:

2

Al gl cl pl
8 6 4 2
CAau 16: Gia trinao ctia a dé€
[(3%* +2)dx=a"+2?
0
A.0 B.1 C.2 D.3

Céau 17: Nguyén ham ctia ham s&
f(x)=e"(1-2017¢77) 1a:
A [ f(x)dx=e*+2017¢ +C
B.] f(x)dx=¢"-2017¢" +C

2017 o

C. J.f(x)dxze" +

D. Jf(x)dx =e" —202£e”‘ +C

Cau 18: Trong khong gian vdi hé truc toa do
Oxyz, goi (oc) la mat phéng cit ba truc toa dd tai
ba diém A(4;0;0),B(0;-2;0),C(0;0;6). Phuong
trinh ctia (oc) la:

Ay Y 2o B. X+ Y 2

4 2 6 2 -1 3

C.3x-6y+2z-12=0 D. 3x-6y+2z-1=0
Cau 19: Dién tich ba mét ctia hinh hdp chit nhat
bang 20cm?,28cm?*,35cm*. Thé tich ctia hinh hop
d6 bang:

A. 160cm® B.190 cm® C.140 cm® D.165 cm’®

Cau 20: Gid tri 16n nhit cta ham sO

x° +20
x)= + 2\/; trén doan | 1;4 | la:
f(x)=" [1:4]
A.9 B. 32 C.33 D. 42
Cau 21: Cho hai s6 phuc z =a+bi va
z, =a—bi(a,b e R;z, #0). Hay chon cau sai?

A. z, +z, lasOthuc  B. z -z, 1as6 thuan ao

Zi 4y o~ N
D. =L la s6 thuan ao

C. z,.z,la s0 thye
z
2

Cau 22: C4 bao nhiéu duong tiém can cua d6 thi

ham 8 y =12
Vax® +2x+1
A1 B.2 C.3 D.4

Cau 23: Diém biéu dién s§ phtc z théa man
(3+2i)z=5-14i c6 toa dd la:

A.(-1,-4) B. (1,—4) C.(-1,4) D.(-4-1)
Cau 24: Trong cac phuwong trinh dudi day,
phuong trinh nao c6 hai nghiém la 1+ i3

A P +i3 x+1=0 B.x?+2x+4=0

C.x*-2x+4=0 D. x*-2x-4=0
Cau 25: Trong khong gian véi hé truc toa do
y=2 ozt

2
mat phing (OL) :2x+4y +6z+2017 =0. Trong cac

Oxyz,cho duong thang d:x—1=

ménh dé sau, ménh dé nao dung?
A. d song song voi (OL)
B. d cat nhung khong vudng géc véi (OL)
C. d vudng goc véi (OL)

D. d ndm trén (OL)
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Cau 26: Cho hinh chop S.ABC, day ABC la tam
giac déu canh bang a,SA L (ABC ) va hop véiSB
hop voi day mot goc 45°. Xét 2 cau:

(I) Thé tich ctia hinh chép S.ABC1a V = ”31‘26

(I) Tam giac SABla tam gidc can
Hay chon cau dung:

A. Chi (I) dang B. Chi (II) dang

C.Ca 2 dung D. Ca 2 sai
Céau 27: Phuong trinh 5! + 6.5 - 3.5 =52 ¢6
mot nghiém duy nhat x, thudc khoang nao dudi
day?

A.(24) B.(-1;1) C.(1,2) D.(0;2)
Cau 28: Ham s6 y=+2x-x* dong bién trén
khoang nao dudi day?

A. (-0;1) B.(0;1)  C.(L,2)  D.(L4%)
Céu 29: Biét log2 =a,log3=b thi log3/0,18 tinh
theo ava bbang:

A 2b+a-2 B. b+2a-2
3 3

C. 3b+a-2 D. b+3a-2
3 3

Cau 30: V6i gia tri nao cua x thi ham s6

y=-log >x +log, x cb gia tri lon nhat?

Al B.\2 C3 D2
3 3
Cau 31: Giai phuwong trinh:
2log, (x - 2) +log, (x - 4)2 =0. Mot hoc sinh lam

nhw sau:

p A x>2
Buéc 1: Diéu kién: (*)
x#4

Buéc 2: Phuwong trinh da cho twong duong voi
2log, (x—2)+210g3(x—4) =0
Buéc 3: Hay la:
log., (x—2)(x—4) =0
o (x-2)(x-4)=1
e —6x+7=0x=3+2.
Dai chiéu voi DK (*), suy ra phuong trinh da
cho co nghiémla x=3+ J2.
Bai giai trén dung hay sai? Néu sai thi sai & budc

nao?

A. Sai 0 budc 1 B. Sai 6 budc 2
C. Sai 6 budc 3 D. bang
Cau 32: Dién tich hinh phang giéi han boi &6 thi

ham s& y =2x” - x* va truc hoanh la:

82 1632 C a3

A. B. D. 242
15 15 V2

Cau 33: Mot cdi mii bang vai ctia nha 4o thuat
véi cac kich thudc nhu hinh vé. Hay tinh tong

dién tich vai cAn c6 d€ 1am nén cai ma do

(khong ké vién, mép, phan thtra).

A
\4

35cm

A. 7007t(cm2) B. 754,257t(cm2)

C. 750,25n(cm2) D. 756,25n(cm2)

Cau 34: So sanh cac tich phan:

4
=f

Ta c6 cac két qua nao sau day?
A I>K>] B.I>]>K
C.J>I>K D. K>I>]

Cau 35: Tap hop cac diém trong mat phang phtic

sin® x.cosxdx, K = jxe
0

II
St— |

biéu dién cac s§ phtic z théa man |z+2i| =11la
duwong tron co phwong trinh nao sau day?

A (x+2) +yP=1  B.x*+(y+2) =1

C.x*+y*+4y-3=0 D.x*+y*+4x-3=0
Cau 36: Cho khoi ling tru tam giac déu
ABC.A'B'C' c6 canh day bang a2 va mdi mit
bén c6 dién tich bang 44>. Thé tich khdi lang tru
dé la:

A. 2a°\6 B.

2a° \/_ A6 D. aaf

kS 5
Cau 37: Giai bat phuong trinh: [LJ < [LJ .
V5 5

Mot hoc sinh lam nhw sau:
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Budc 1: Dieu kién x = 0(*).

1
= 5
Buwéc 2: V1 £<1 nén (ij S(ij <:>125

V5 V5) \W5) T«

Buéc 3: Tle d6 suy ra 1>5x < x < é Vay tap

nghiém cua bat phuong trinh da cho la

Bai giai trén dung hay sai? Néu sai thi sai 6 budc
nao?

A.bung B. Sai & budc 1

C. Sai 0 budc 2 D. Sai & budc 3
Cau 38: Mot cai thap hinh nén c6 chu vi day bang
207,5 m. Mot hoc sinh nam mudn do chiéu cao
cua cai thap da lam nhu sau. Tai thoi diém nao
d6, cdu do bong ctia minh dai 3,32 m va dong thoi
do duoc béng ctia cai thap (k€ tir chan thap) dai
207,5 m. Biét cAu hoc sinh d6 cao 1,66 m, hoi chiéu

cao cta cdi thap dai bao nhiéu m?

A. h=103,75+ 51,875 B. h=103+ 51,87
s s
C. h=103,75+ 25,54 D. h=103,75
i

Cau 39: Cho ham s§ f(x)=In(x*-3x). Tap
=0 la:

}

Cau 40: Mot qua bong ban duwoc dat tiép xuc voi

~—

nghiém ctia phuong trinh '(x

A (-00)U(34m) B, {

N | W

C. {3} D. o

tat ca cac mat ctia mot cai hop lap phuong. Ti s6

thé tich ctia phan khong gian nam trong hop d6

nhung nam ngoai qua bong ban va thé tich hop 1a:
S-m g3 c&™ p2

8 4 6 3

2
Céu 41: Cho ham s6 y :%x-i-l

A.

. Tim m &€
xX+m

ham s6 dat cuc dai tai x =27 mot hoc sinh lam
nhu sau:

2 2_
Bwoc 1: D:R\{—m},y':x +2mx+m* -1

(x+m)2

Buc 2: Ham s0 dat cpuc dai tai x=2

=y/(2)=0(+)

m=-1

Buée 3: (*) <> m’ +4m+3=0<
m=-3

Bai giai trén dung hay sai? Néu sai thi sai & budc
nao?

A. Sai tir budce 1 B. Sai ttr budc 2

C. Sai ttr bude 3 D. bang
Cau 42: Gia tri ciia m d€ duong thang y = 2x +m

cat duong cong = el +1 tai hai diém phan biét la:
x —_—

A.m=#1 B. m>0

C.m=#0 D. Mot két qua khac
Cau 43: Vi gid tri nguyén nao cua k thi ham s6
y=kx' +(4k—5)x" +2017 c6 ba cuc tri?

A k=1 B.k=2 C.k=3 D.k=4
Cau 44: V6i gia tri nao ctia tham s6 m thi ham s6
y =sinx—cosx+2017+2 mx dong bién trén R ?

A. m=>2017 B. m>0

L D. m>-—
2017 2017

CAu 45: CO hai chiéc coc cao 10m va 30m Ian luot

C.m>

dat tai hai vi tri A, B. Biét khoang cach gitta hai
coc béng 24m. Nguoi ta chon mot cai chot 6 vi tri
M trén mat ddt nam gitta hai chan cot dé giang
day n6i dén hai dinh C va D ctia coc (nhu hinh
vé). Hoi ta phai ddt chét ¢ vi tri nao trén mat dat
dé tdng do dai ctia hai soi day d6 la ngan nhat?

A. AM =6m,BM =18m

B. AM=7m,BM =17m

C. AM =4m,BM =20m

D. AM =12m,BM =12m
Cau 46: Trong khong gian véi hé truc toa do
Oxyz,cho mit phang (P):x—y+z+3=0vé ba
diém A(0;1;2),B(1;1;1),C(2;-2;3). Toa do diém
M thudc (P) sao cho ‘MAT+]\—/I§+ME‘ nhé nhat la:

A. (4-2-4) B. (-1,2;0)

C. (3;-2-8) D. (1,2;-2)
Cau 47: Cho hinh lap phwong ABCD.A'B'C'D'
c6 canh bang a. Xét 2 cau:

(I) Khoang cach tir A d&n mat phang (A' BD)
=23
3
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() Hinh lap phuwong ABCD.A'B'C'D'co 9
mat phang d6i xting
Hay chon cau dung:
A. Chi (I) dang B. Chi (II) ding
C.Ca2dung D. Ca 2 sai
Cau 48: Tinh thé tich V ctia vat thé nam gifta hai
mét phang x = 0,x =1, biét rdng thiét dién cta vat
thé bi cat boi mit phang vudng goc véi truc Ox

tai diém cé hoanh d¢ x(0<x<1) la mot tam giac

déu co canh 13 4, lln(l + x).
A. V=43 (2In2-1) B. V=43 (2In2+1)
C. V=8/3(2In2-1) D. V=16n (2In2-1)
Cau 49: Trong khong gian véi hé truc toa do
x=2+t
Oxyz, cho duwong thang d:4y=1+mt va mat cau
z=-2¢t

(S):x2 +y’+2° -2x+6y-4z+13=0. C6 bao
nhiéu gia tri nguyén caa m dé d cat (S) tai hai

diém phan biét?

A.5 B.3 C.2 D.1
Cau 50: Cho cac ham s8 y=f(x),y=g(x),
_ f(x) A 7 A ~ 7 2 7 [N A
Y= . Néu cac hé s goc caa cac ti€p tuyén

8(%)

ctia cac d6 thi cdc ham s6 da cho tai diém co
hoanh dd x =0 bang nhau va khéc 0 thi:

A. f(0)<% B. f(O)si
C. f(0)>% D. f(o)zi
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DAP AN
1C 2D 3C 4A 5C 6D 7A 8B 9D | 10B
11B | 12A | 13C | 14B | 15D | 16B | 17A | 18C | 19C | 20B

21D 22B 23A | 24C 25C 26C | 27D | 28B 29A | 30C

31B 32B | 33D | 34A | 35B 36C | 37D | 38A | 39B | 40C

41B 42D | 43A | 44C 45A 46B 47C 48A | 49A 50B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an C.
ab—bc 3

=——>0 v6i moi x;tl.
MS*  MS? 2

Ta c6 thé thdy ngay y'=

Vay ham s& dong bién trén cac khoang (_Oo;%j va (% ;+ooj .

Két qua lyu j: Ham s8 y = mtb (coy'= ad;bcz) ludén dong bién hodc
cx+d (cx+d)

nghich bién trén cac khoang [—oo; —Ej va {—E; +00j.
c c

Cau 2: Pap an D.
x=x,+at
Kién thitc 4p dung: Duong thang c6 phuong trinh tham s d:{y =1, +bt thi
z=1z, +ct
vtep cta d la 0= (a; b;c).
Cau 3: Dap an C.
Ta c6 cong thic (¢")'=u'.e". O day ta nhdm nhanh réng (x+2017)'=1. Do viy
yv(lnz) — eln2+2017 — 262017 .
Cau 4: Dap an A.
Xy =X +x, =1
Tanhdm nhanh nhu sau: yy, =y, + ¥, =1
Zy =2+ 2y, =1
Cau 5: Dap an C.
Cau 6: Pap an D.
Ta thdy tt ca cdc phwong an con lai co s6 déu 16n hon mot, riéng ¢ B va D thi
co s0 16n hon 0 va nho hon 1. Tuy nhién, ta thdy 6 B, s6 mii la —x ticla
5)° (3e) (. N1 .
[§] = (?) . Vay co s0 ltc nay 1én hon 1, do d6 ta chon D.
Cau 7: Pap an A.

Ta co: bpt < 71 ex23
4x-329

Cau 8: Pap an B

I (3; 1; 5) la trung diém cua AB, khi d6 I la tam cuia mét cau nhan AB lam duong
kinh, ta khong can di tim d6 dai ban kinh vi tat ca cac phwong an déu la 17. Do
vay ta chon ludén B.
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Cau 9: Dap an D.

Néu chi c6 diéu kién (x - 1)(x - 2) >0 thi khong dt boi khi d6 s& c6 TH (x - 1)
va (x - 2) cung nho hon 0. Do d6 ln(x - 1) va ln(x - 2) khong ton tai.

Cau 10: Pap an B.

Ta bam may MODE — 2:CMPLX

An SHIFT+hyp (Abs) va nhap biéu thitc 1+2i +2x(3 +i) méay hién V65

Cau 11: Dap an B

Ta bdm may tinh dwoi ché€ do tinh toan véi s6 phitc MODE 2 dwoc z=9-10i.
Ma dé hoi s6 phtec lién hop do d6 ta chon B.

Cau 12: Pap an A.

Ta c6 phuong trinh 2.(1+2t)+t-2-3t-2=0<t=1= M(3;1,-5)

Cau 13: Dap an C.

Day la bai toan ting dung ctia viéc tim phuong trinh duong thang di qua hai

diém cuee tri nhu sau:

Ta c6 két qua 6 1a: Trung diéin ciia doan thing néi hai diéin cuec tri chinh la diéin uon
cua do thi ham so'bic ba.

Ta co ]/=(x—1)(x+2)2 =x’+3x* -4

Tacd y"=6x+6=0x=-1 = y(—l) =-2. Thoa man phuong trinh C.

Hodc quy ddc gia ¢ thé 1am ludn theo cach bAm may viét phuong trinh di qua
hai di€ém cuee tri ma toi da gidi thiéu trong sach “Bo dé tinh tiy on thi THPT Qudc
Gia mén Toan”

Cau 14: Pap an B.

Ta c6 Sau hai ndm thi 8 tién 1ai ba thu duocla: 100(1+ 0.07)2 —-100=14,49

Cau 15: Pap an D.

. 1 AD 1 1
Taco S, = E'AB'T = ZSABCD = Vo = Z Vsasco
1%
Matkhdc Ve =2 Ve dovay T1=2

2

Cau 16: Dap an B
/ 3 a 3 3
Tacol=(x +2x)0=a +2a=a"+2<a=1

Cau 17: Pap an A.

F(x)=[(e" =2017.e jx =" +2017¢™ +C

Cau 18: Pap an C.

Phuong trinh c6 dang %+%+§:1<:>3x—6y+22—12:0

Cau 19: Dap an C.

ab=20
Ta cod {bc=28 < abc=+/20.28.35 =140
ca=35

Cau 20: Dap an B.
X +20

Ta nhan xét nhanh, thay rd dong bién trén [1; 4], Jx ciing dong bién
trén [1; 4].
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Do d6 Min, Max cuia f(x) ndm & dau mat, khi dé ]ﬁhzjxf(x) = f(4) =32

Cau 21: Pap an D.
Cau 22: Pap an B.

1 1
Hai TCNla y==va y=—=
Y=y va¥=Ty

Cau 23: Dap an A.

5-14i

Bam may tinh véi ché d6 MODE — 2:CMPLX véi z = T
+2i

-1-4i

Cau 24: Pap an C.

Ta thdy z, +z, =2;z,z, =4= chon C.

Cau 25: Pap an C.

d c6 vtep ﬁz(l; 2;3)

(OL) co vtpt n= (2,' 4;6) = 2(1,' 2;3) do d6 u cung phuong véi n dodod vuong
goc voi (OL).

Cau 26: Pap an C.

SB hop voi ddy mot goc 45° do do6 tam gidc SAB vudng can tai A.

1 1 &:f\@

Khi d6 SA= AB=a.Vay V =—.a.—.
37272 12

= (I), (I) dtng.

Cau 27: Pap an D.

Tacod 5 +6.5° —=3.5 =52 @%.5" =525 =5 x=1

Cau 28: Pap an B.

. —x+1
P02y
Cau 29: Pap an A.

Gan log2 cho A, log3 cho B, thtt trén may ta dwoc dap an A.
Cau 30: Bap an C.

Cau 31: Pap an B.

Chtra lai nhuw sau & budce 2:

>0< x<1.Suy ra ham s6 dong bién trén (0;1)

Phuong trinh da cho twong duwong véi 2log, (x - 2) +2log, |x - 4| =0
Cau 32: Pap an B.

x:
Ta cod 2x* —x* :0<:{

0
x=+2
(4. 2
3 5

V2 8 - 8 5 162
=222 =22
0 3\/7 5\/7 15
Cau 33: Pap an D.

Tong dién tich dwoc tinh bang tong dién tich xung quanh ctia hinh tru va dién
tich mot day, voi dién tich hinh vanh khan.
Taco §=2m7,530+n7,5 +m.(17,5 ~7,5") =756, 257

V2 V2
.Khidé S= I ‘23(2 —x“‘dx:Zj (2x2 —x“)dx
5 0

Cau 34: Dap an A.

Ta cé I=1—4;]=1;K=1 =I>K>]
3 3

Cau 35: Dap an B.

|z+2i=1e 2> +(y+2) =1
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Cau 36: Pap an C.

2
Tacod h= 4a —2a\2. V=B.h=l.a\/§. 243 202 =a*6
ax/E 2 2

Cau 37: Dap an D.
Budc 3: Vi chuyén bat phuong trinh twong dwong nhan hai vé€ voi x ma khong

xét d4u caa x.
Cau 38: Dap an A.

;’22 = 207 5 h = h=103,75+ 51,875
28 2202 o075 T

Tacod:

2n
Cau 39: Dap an B.

(ln(x2 —3x))' = xZZx_—?’?; =0ox =%

Cau 40: Pap an C.
Qua béng ban ¢é ban kinh r, hinh 1dp phuong c6 canh 2r. Khi d6 V trong la

8 4TE
Vv Y _

V=88 ~dp | Knids -3 _0°T
3 v 8 6

Cau 41: Pap an B.

D&u tuong duong dung sai, & day chi la dau suy ra va sau d6 phai thir lai sau
bwdc 3.

Cau 42: Pap an D.

x # 1. Xét phuong trinh hoanh d6 giao diém ta cé d€ hai d6 thi ham sd catwsn
x+1

hau tai hai diém phan biét thi: { _
2x +(m—3)x—m—1=0

24+4m-3-m-1#0
= Vm

(m-3) +8(m+1)>0
Cau 43: Dap an A.
Ta nhdm nhanh nhu sau: D& ham s6 ¢ ba cuc tri thi phwong trinh y'=0 phai
c6 ba nghiém phan biét, tirc1a (4k —5)k <0 . Chi c6 A théa man.
Cau 44: Pap an C.
Taco y'=cosx +sinx + 2017\/5111 .Taco y'= \/Esin[x + g] + 2017\/5111 .bé
ham s3 da cho dong bién trén R thi y'>0 véi moi x € R. Dau bang xay ra tai
hitu han diém.

= sin(x + g] >-2017m véimoi x € R. Dieu nay xay ra khi

2017m<-1m>

2017
Cau 45: Dap an A.
Ta c6 dit AM =x khi d6 MB=24—x;xe(o;24)

Khi d6 CM + DM = f (x) =107 + 2% +,/30% + (24 - x)" .
Luc nay ta thit xem dap an nao Min.
Cau 46: Dap an B.
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Goi I la diém thoa man IA+IB+IC=0 = 1(1;0;2). Ma

MA + MB + MC :‘IZ+E+E+3ZW‘:3MI.96

MA + MB + MC| nhé nhi thi
MI L(P)= M(-1;2;0).
Cau 47: Dap an C.
Ta c6 goi h 1a khoang cach tlit A dén mat phang (A' BD) thi
1 3 a
—=—=h=—==(I) dung.
h2 a2 \/5 ( ) &
Xét khoi lap phwong ABCD.A’B'C'D’
Goi M,N,P,Q Ian luot la trung diém cta AB, BC, CD, DA
M’, N’, P’, Q' Tan lugt la trung diém caa A'B’, B'C’, C'D’, D'A’
R, S, T, Ulan luot la trung diém ctia AA’, BB', CC’, DD’
Khéi lap phuong ABCD. A’B'C'D’ ¢6 9 mp d6i xting nhu sau :
a) 3 mp d6i xtng chia n6 thanh 2 khdi hop chit nhat (la cic mp MPP'M’,
NQQ'N’, RSTU)
b) 6 mp d6i xting chia n6 thanh 2 khdi lang tru tam giac (la cac mp ACC'A’,
BDD'B’, AB'C'D, A'BCD’, ABC'D’, A'B'CD). Vay (II) dting.
Cau 48: Dap an A.
Cau nay twong tu nhu cau so 26, dé s6 8 trong sach “Bo dé tinh tiy 6n thi THPT
Quodc Gia nam 2017” ma t6i da phan tich va dé cap rat ki. Do d6 ¢ day:

Tacéd S(x) =%.4«/ln(1+ x).4.—“1n(12+x).\/§=4\/§.ln(1+ x)

Vay V =jS(x)dx=4\/§jln(1+ x) dx
0 0

bat uzln(l+x):>du= 1
1+x

dx; dv=dx=>v=x
1

1—J. al dx]

0 »1+x

V:4\/§.[1n2—(x—ln(l+x))

Khi d6 V =4\/§.{x.ln(1 +x)

3] =433, (In2(1-1n2)) =43, (21n2 1)

Cau 49: Pap an A

Ta c6 phwong trinh (2 +t‘)2 +(1+ mt)2 +4t7 =2.(2+1)+6.(1+mt)+8t+13=0
& (m* +5)8 +2.(5+4m)t+20=0

Dbé thoa man yéu cau dé bai thi phuong trinh ¢ 2 nghiém phan biét.

& (5+4m) —20(m? +5)>0  dm* —40m +75<0 <2,5<m<7,5. Vay c6 5

gid tri nguyén ctia m thoa man.
Cau 50: Dap an B.

Ta c6 f'(O):g'(o):f'<0)'g(0)_g'(0)'f(0)

g'(0)
o=t o o) 0)+s0)-2-(s0)-2) <4
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BE ON LUVEN $0 15

Cau 1: Hinh dwdi la d6 thi cia ham sd nao trong
bdn ham sd dugc liét ké 6 bon phuong an A, B, C,
D sau:

AN

-1 O 1 X

A\ 4

A y=x"-3x+2
C.y=x>+2x-3

B.y=x'-2x"+1
D. y=-2x"+3x"-1

3 2
Cau 2: Cho ham s§ y:f(x)=%+%+x, khi d6
tap nghiém ctuia bat phuwong trinh f '(x)SO la:

A @ B. (0;4) C.[-2;2] D. (o540
Cau 3: Ham s§ y=+x-x> nghich bién trén
khoang:

alial Blol] c (—0;0) D. (L+)

2 2
Cau 4: Ham s6 y=x"+3x" + mx+m dong bién
trén tap xac dinh khi gia tri cta m la:

A.m<1 B. m>3

C. -1<m<3 D. m<3
Cau 5: Cho ham s6 y=mx’+2x" +(m+1)x-2.
Vi gia tri nao cua m thi ham s6 da cho c6 mot cuee
tri?

A.m<0 B.m>0 C.m=0 D.m<1
Cau 6: Cho ham s§ y=x"-3x"+2(C). Dudng

thang nao sau day la tiép tuyén cta (C ) c6 hé so

goc nho nhat:
A y=-3x+3 B. y=-3x-3
C.y=-3x D.y=0

Cau 7: Cho phuong trinh —x*+4x*-3-m=0.
Vi gia tri nao ctia m thi phwrong trinh c6 4 nghiém

phan biét:
A 1<m<2 B. -1<m<2
C. 3<mx<1 D.1<m<3
Cau 8: SO diém co toa df la cac sd nguyén trén do
thi ham 3 y =" 1a;
x+2
A. 4 B.2 C.3 D.1

Cau 9: Ham s8 y=x"* + x* +1 dat cuc tiéu tai:

A.x=-1 B.x=1 C.x=0 D. x=-2

Cau 10: Cho ho d6 thi (Cm):y:x4 +mx> —m-1.
Toa &0 cac diém ma moi d6 thi ctia ho (Cm) di qua
la:
A. (-1;0) va (1,0)
C. (-2;1) va (-2;3)

B. (1,0) va (0;1)
D. (2;1) va (0,1)
x+2

Cau 11: Cho ham s&: y=
x+1

(C). Goi d la
khoang cach tir giao diém hai tiém cén cta do thi
(C) dén mot tiép tuyén cua (C ) Gia tri 16n nhat
d co thé dat dwoc la:

A.33 B3 CV2 D22

Cau 12: Biéu thtrc A =4"%2° ¢4 gid tri 1a:

A.6 B.9 C.16 D.2
Cau 13: Dao ham ham s8 y =2".3" bang:

A. 6"In6 B. 6

C.2°+3 D. 2% 431

Cau 14: Cho ham s8 f(x)=e" (3—x2). Dao ham

ham s0 triét tiéu tai cac diém:

A . x=1,x=-3 B. x=1,x=3
C.x=-1,x=3 D. x=0
Cau 15: Phurong trinh 10g9(3x—2) =3 c6 nghiém la:
Al B. 2 C. 2 D. 87
3 3

Cau 16: Ham s6 yzln(—x2 +5x—6) cb tap xac
dinh la:

A. (—00;2)u(3;+oo) B. (0;+oo)

C. (—o0;0) D. (2;3)
Cau 17: Tap nghiém cua bat phuwong trinh
324" -18.2" +1<0 la tap con cta tap:

A.(-5-2) B.(-40) C.(L,4) D.(-31)
Cau 18: Cho a=log, 3,b=log, 5 khi dé
log,, 1350 tinh theo a,b bang:

A. 2a+b+1 B. 2a-b+1
C.a+2b+1 D. 2a-b-1
g3 2B

Cau 19: Rut gon biéu thic ———— (v6i a>0)

=
)
duoc két qua la:
A. q* B. a C.a D. 4’
Cau 20: Goi M, m lan luot la gia tri 16n nhét va gia
2

tri nho nhat cua ham s8 y :x_x trén doan [—1;1].
e

Khi do:
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A.le;mzo B. M=¢e;m=0
e
1
C.M=¢em==- D. M=¢em=1
e
Cau 21: S6 nghiém cua hé phuong trinh:
y2:4"+1 L
24y -1=0
A.2 B.3 C.1 D.4
Cau 22: Nguyén ham cia ham sO

f (x) =sinx.cosx trén tap so thuec la:

A. iC052x+C B. —icost+C

C. —sinx.cosx D. —isin2x+C

Cau 23: Nguyén ham F (x) cuia ham s&
f (x) =4x’ —-3x* +2 trén tap s6 thuc théa man
F(-1)=3 la:

A xt—x>+2x+3

C.x*—x*+2x+4

B. x* —x®+2x

D. x*-x*+2x-3
\/5 ),

Cau 24: Tich phéan: j 3xv/x* +1 dx bang:
0

A.3 B.7 C. -5 D. -3

Cau 25: Tich phan: j(|3x ~1|-2|x|) dx bang:
0

-11

-1 C. — D.0
6

Al BZ
6 6

2
Cau 26: Tich phan: Ie" sinx dx bang:
0

A. 1-e? B. 1+e2

C. %(1+62] D. 2(1+62J

Cau 27: Thé tich khéi tron xoay nhan dwoc khi
quay hinh phéng giéi han béi duong cong
y =3x—x* va truc hoanh quanh truc hoanh bang;

A. 8in (dvtt) B. 85 (dvtt)
10 10
C. % (dvtt) D. 8771 (dvtt)
Cau 28: Dién tich ctia hinh phang gii han béi cac
duong x=1,x=e,y=0 va y :ln_x bf?mg:

2Jx
A.3-Je B.2-Je C.2+Je D.e-3

Cau 29: S6 nao trong cac sd sau la s6 thuan ao:

A (V2+2i)-(v2-i) B. (2016+i)+(2017~i)

C. (3-i)—(2-1) D. 2017i*
Cau 30: SO phtc lién hop cta sO phic
z=(1-i)(3+2i) la:

A z=1+i B.z=1-i
C.z=5-i D. z=5+i
Cau 31: D€ s0 phtc z=a+(a—1)i (a 1a s6 thuce)
c6 |z|=1 thi:
A. a:l B. a=E
2 2
C.a=0 hoaca=1 D. |a|:1

Cau 32: S8 phtrc z=(1+ 21')2 (1-i) c6 m6 dun la:

A.|7=5v2 B. |4 =50
C. |z|:& D. | =22
3 3

Cau 33: Trén mat phéng toa db cac diém A,B,C

Tan luot 1a diém bidu dién cua cac s§ phiic il ;
l —_—

(1-i)(1+2i);-2i°. Khi d6 tam gidc ABC:

B. Vuong tai A

D. Tam giac déu

A.Vuodng tai C
C. Vudng can tai B

— 2
Cau 34: S6 phttc z théaman z+3z= (1 - 21') la:

A. —§+2i B. 2+§i C. 2—21' D. —E—Zi
4 4 4 4
Cau 35: Dién tich hinh tron 16n ctia hinh cau 1a S.

Mot mat phang (P) cat hinh cau theo mot duong
tron c6 ban kinh 7, dién tich %5. Biét ban kinh

hinh cau I 7, khi d6 r bing:

AR R RE RV
4 6 2 3
Cau 36: Hinh chép t giac déu co tat ca cac canh
béng a. Thé tich khéi chép d6 bang:
3 3 3 3
A TV2 g N2 a2 NS
2 6 3 3

Cau 37: Nguoi ta bo vao mot chiéc hop hinh tru

ba qua béng tennis hinh cau, biét rang day hinh
tru bang hinh tron 16n trén qua béng va chiéu cao
cta hinh tru bang ba lan duong kinh qua béng.
Goi S, la tong dién tich ctia ba qua bong, S, la
dién tich xung quanh ctia hinh tru. Ti s& dién tich
sl

L 1a:
S

2

A.2 B.5 C.3 D.1
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Cau 38: Hinh hdp chit nhat c6 ba kich thudc la
a,b,c thi duong chéo c6 d6 16n la:

A. Va® +b* =c? B. Va? +b* +¢*
C. V24> +2b* = D. Va* +b* -2¢?

Cau 39: Cho hinh chép S.ABCD c6 ddy ABCD la
hinh thang vuéng tai A va B,SA vudng goc vdi
mat phing (ABCD),AB=AC=a,AD=2a, gbc
gitta SC va mit phang (ABCD) bang 45°. Géc
gitta mat phang (SAD) va (SCD) bang:
A. 45" B.30° C. 75" D. 60"

Cau 40: Cho hinh choép tam giac déu ddy ¢ canh
béng a, gdc tao bdi cdc mat bén va day bang 60°.
Theé tich khéi chop la:

a3 V_a3x/g

A V= B. V=
24 24
3 3

C.V:“‘/5 D.v=%L
8 8

Cau 41: Thiét dién qua truc cta hinh nén la tam
gidc déu canh 6a. Mot mit phang qua dinh S ctia
nén va cat vong tron ddy tai hai diém A va B. Biét
s6 do géc ASB bang 30°, dién tich tam gidc SAB
bang:

A. 184>  B.16a®>  C.94? D. 104?
Cau 42: Cho hinh chép S.ABC c6 ddy ABC latam
giédc vudng tai B véi AB=a,BC=av/2, SA =24 va
SA vudng gbc véi mat phang (ABC ) Biét (P) la
mat phang qua A va vudng géc véi SB, dién tich
thiét dién cat boi (P) va hinh chop la:

2 2 2
A‘4ax/EB.4a\/§ C‘8a\/ﬁ
25 15 25

2
D. 4 J6

15
Cau 43: Trong khong gian voi hé toa d6 Oxyz cho
ba vecto z;(—l;1;0),5(1;1;0),2(1;1;1). Trong cac
ménh dé sau ménh dé nao sai?

A.ab=0 B. H:ﬁ C. ‘;‘zﬁ D. bc=0

Cau 44: Trong khong gian véi hé toa do Oxyz,

mat phang song song véi hai duwong thang:

x=2+t
d: ; =%=§ va d,:qy=3+2t cod vecto
z=1-t
phap tuyén la:
A. ;2:(—5-6-—7) B. n=(5-6;7)
C.n= ( -5; 6;7) D. ;l:( 5;6;7)

Cau 45: Trong khong gian voi hé toa do Oxyz,
mat cau (S) tam 1(1;2;—3) di qua diém A(1;0;4)
c6 phuong trinh la:
A. (x+1)2 +(y+2)2 +(z-3)
B. (x+1) +(y+2)" +(
C(x=1) +(y-2) +(
D. (x=1) +(y-2) +(2-3)’
Cau 46: Cho ba diém A(1;6;2),B(51;3),
C(4;0;6),
(ABC) la:
A.14x+13y+9z+110=0
B. 14x+13y-9z-110=0
C. 14x-13y+9z-110=0
D. 14x+13y+9z-110=0
Cau 47: Trong khong gian vdi hé toa do Oxyz, vi

2

2

) +(z+3)
) +(z+3)

+

53
53
zZ+ 53
53

khi d6 phuong trinh mit phéng

tri twong d6i ctia hai duong thang

x=1+2t¢ x=7+3m
d :qy=-2-3t va d,:qy=-2+2m la:
z=5+4t z=1-2m
A. Chéo nhau B. Cat nhau
C. Song song D. Trung nhau

Cau 48: Trong khong gian voi hé toa d Oxyz cho
ba diém A(-2;1;0),B(-3;0;4),C(0;7;3). Khi d6
COS(ZE,ge) bang;

A 14118 74118

354 o177
c \J798 D. _\/798
57 57

Cau 49: Trong khong gian voi hé toa d6 Oxyz cho
t dién ABCD o6 A(2;3;1),B(4;1;-2), C(6;3;7),
D(—5;—4;8). D6 dai duwong cao ké tt D cuaa t
dién la:

45 V5 43

A.11 B. — C.— D—
7 5 3

Cau 50: Trong khong gian v6i hé toa d6 Oxyz cho
bén diém A(1;1;1),B(1;2;1),C(1,1,2),D(2;2;1).

Tam I ctia mdt cau ngoai ti€p t& dién ABCD cb

toa do:
3.33
A. (3;3;-3) (E’_E;EJ
C (i;i;éj D. (3;3;3)
2’272
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STUDY TIPS
Véi dang toan nay, dé xét
d&u ctia dao ham trén mdi
khoang ma ta da tim ra, ta
chi can the mot gid tri bat ki
trong khoang dé dé xét dau
cua dao ham.

PAP AN
1B 2A | 3A 4B 5C 6A 7C 8B 9C | 10A
11C | 12B | 13A | 14A | 15C | 16D | 17B | 18A | 19C | 20B
21C | 22B | 23A | 24B | 25A | 26C | 27A | 28B | 29A | 30D
31C | 32A | 33C | 34D | 35C | 36B | 37D | 38B | 39D | 40A
41C | 42A | 43D | 44D | 45C | 46D | 47A | 48B | 49A | 50C

HUGNG DAN GIAI CHI TIET
Cau 1: Pap an B
Nhén thay day la dang d6 thi cia ham s6 bac bon trung phuwong, nén phuong an

x=1
A, Cloai. V6i B, C ta thdy. Ham s6 ¢ phuong an B cdy'=4x" —4x=0<| x=-1.
x=0

Nhin vao d6 thi thi ta thdy hoanh d¢ hai diém cuc tiéu, cuc dai thoa man, nén
chon B.
Cau 2: Pap an A.

Vi bai toan nay ta sé di tim f' (x) roi thé vao bat phuwong trinh ban dau.
1y .3
Ta cod f’(x)=x2 +x+1.Nhéan xét x’ +x+1:(x+5j +Z>O vGi moi x .

Do véay bat phuong trinh v nghiém.

Cau 3: Dap an A.

bé tim khoang dong bién, nghich bién ctia ham s6 thi ta di tim nghiém cta
phuong trinh y'=0 hodc gia tri lam cho phwong trinh y'=0 khong xac dinh,
tie d6 tim duoc cac khoang dong bién, nghich bién ctia ham sd.

biéu kién: x(0;1)

Ta co y':(\/x—xz)':%
xX—x

x=0

y' khong xac dinh khi{
' : 1 : 4 4 2 Ay 4 /4 \ 1 1
y'=0 khi x=5.KhldotacoZkhoangcanxetdola O;E ; E;l .

Nhén thay ¢ day y'<0 véi x e (% ; 1}, do d6 ham s6 nghich bién trén (% ; 1] .

Cau 4: Pap an B

Ham s6 da cho:

1.Laham s6 bAcbacohé sd a=1>0.

2. Cotap xac dinh D=R.

Do d6 giong nhu t6i da trinh bay trong cuén bo dé Tinh Tuy 2017 thi d€ ham s6
béacba cé cac diéu kién trén dong bién trén R thi phuong trinh y'=0 ¢ nghiém
kép hodc vo nghiém.

Ta xét phwong trinh y'=0 < 3x* +6x+m=0.

D€ phuong trinh trén vd nghiém hodc cd nghiém kép thi A'=3%-3m<0

Sm=3
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STUDY TIPS
D6 thi ham s6 bac ba hoac
14 cé hai diém cuec tri, hodc
la khong c6 diém cyc tri.
Khéng c6 TH ¢6 mot diém
cuc tri

STUDY TIPS
O day ta c6 mot meo nhanh
dé khong can vé BBT d¢ la;
Vi d6 thi ham s& bac bon
trung phuong ¢ hai diém
cuec tri:
1.V6ihésd a <0 thico
dang chi® M ( chi 1a meo).
2.V6ihésd a>0 thicd
dang chir W.
Trong sach b dé tinh tiy
toan 2017 to6i da trinh bay.

Cau5:Papan C
Ta nhéan thiy day 1a mét bai toan st dung meo nhé kha la nhanh d6 la: D6 thi
ham sd bac ba hodc la ¢ 2 diém cuec tri, hodc la khong cd diém cuc tri nao. Do
vay ¢ day, d€ ham sd da cho c6 mot cuec tri thi ham s6 da cho thoa méan diéu kién
khong la ham béc ba, tic1a m=0.Khi m=0 thi ham s da cho trd thanh ham
s0 bac hai, ma d6 thi ham s6 bac hai la parabol luén c6 mot diém cyec tri.
Cau 6: Dap an A
Ta thdy hé s6 goc cua ti€p tuyén tai di€ém c6 hoanh d6 x=x, la f '(xo). Ta co
f'(x,)=3x7 —6x,=3(x, —1)2 —32-3 véi moi x,. Do d6 hé sd goc tiép tuyén
nho nhat la -3 khi x, =1. Khi d6 phuong trinh tiép tuyénla y=-3x+3
Cau 7: Dap an C.
Ta thay day la bai toan c6 thé c6 1ap m sang VP, do d6 ta sé lam theo cach vé BTT
ttr d6 két ludn s6 nghiém ctia phuong trinh.
Phuong trinh da cho twong duong voi:
—x* +4x* ~3=m .Dat f(x)=—x"+4x> -3 6
f(x)=—4x" +8x= 4x<—x2 + 2)

x=0
Phuong trinh f(x) =0« | x=—/2.Khi d6 tir BBT ta c6:

x=+2
2 0 2 +00

fw ot 0 -0+ 0 -

» NGO\

Nhin vao BBT ta thdy dé phuong trinh da cho c¢6 4 nghiém phan biét thi
-3<m<1
Cau 8: Pap an B

Vi bai toan dang nay ta sé chia ttr s6 cho mau sd, gidng nhu bai toan giai phuong

X —00

trinh nghiém nguyén ma ta da hoc & cap 2.

x+3=1+

. D€ y 1a s6 nguyén thi x+2 la wdc caa 1. Thc la
x+2 x+2 Y 81y

Ta co y=

x+2=41<x=-1;x=-3. Vay c¢6 hai diém c6 toa d¢ la cac s6 nguyén trén do
x+3

x+2°

Cau9: bap an C

thi ham s6 y =

Loi giai: y'=4x" +2x :2x(2x2 + 1). Phuong trinh y'=0 cé nghiém duy nhat
x=0.Do db6 chon C.

Cau 10: Pap an A.

Pay la dang toan tim diém cd dinh cta d6 thi ham s6 cho trudc 6 tham sd. Voi

dang toan nay ta cé cac budc lam nhw da note 6 bén.
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STUDY TIPS
Céc budc tim diém cd dinh
ctia d6 thi ham sé chita
tham sé:
1. Chuyén y sang VP.
2. Gop cac hang ttr c6 tham
0 va dit tham s& chung ra
ngoai.
3. Cho céc biéu thtic trong
ngodc sau khi dit tham s&
ra bing 0.

STUDY TIPS

Véi bai toan dang lién quan
dén khoang cach, ta nén
tach ham s6 phan thic (tie
la 1dy tir s8 chia mau sd)
nhu bai lam bén dé€ khi thay
vao cong thitc khoang cach
sé rat ngan thoi gian rat
gon.

X+2 1

1+
x+1 x+1

Vidu:

STUDY TIPS
Cong thikc ap dung:
aloga b — b

STUDY TIPS
a*b* = (ab)X ;

(ax)':ax.lna

Ta c6 y=x* +mx’ —111—14:)111(3(2 —1)+x4 —y—1=0. Diém ma 0 dinh cta ho

2 q_ ey —
(C,) thoaman {x ~1=0 Q[x_l,y_O

X' —y-1=0 |[x=-Ly=0
Cau11: Pap an C
Coox+2 1 A
Ta co y—x+1—l+x+1,Vx¢1,y (x+1)2 .
Ta thay I (—1; 1) la giao diém hai duong tiém can cta d6 thi ham so.
Phuong trinh tiép tuyén véi (C) tai diém (xo 1+ 1+J la:
X
= (x—x,)+1+ d
ety @
Khoang cach tit I dén (d) la:
=t S(-1-x,)-1+1+ 1+ 2
1 X 1
d(1;(a))= %) - 1 x0+1
1+ — I+——
\, (xo + 1) \ (xo + 1)
2 1 2 1 p .
= |x0 i | < |x0 ’ | =2 (Ap dung bat dang thirc Cauchy).

\/(xo +1)4 +1 \/2 I(xo +1)4
Cau12: Pap an B
A :4log23 — (210g23)2 :32 =9
Cau 13: Pap an A.
Tacd y'=(23")'=(6") =6"In6
Cau14: Pap an A
O day cau noi dao ham ham s triét tiéu tic la gia tri d€ cho dao ham ham s&
bang 0. Ttic 1a ta di tim nghiém ctia phuong trinh £ (x) =0
Ta co f'(x):(e" (3—x2))'=e".(3—x2)—2x.e" =e (—x2 —2x+3)

-1
f'(x)=0© x> —2x+3=0 (Do ¢* >0) @[x
x=-3

Cau 15: Pap an C.

\e eae ea 1A 2
Loi giai: biéu kién: x > 3

pt<3x-2=3 <:>x=%(théamén)

Cau 16: Dap an D.

Piéu kién d€ ham sd xac dinh1a —x> +5x-6>0 < 2<x<3

Cau 17: Pap an B

Vi bai toan dang nay ta giai bat phuong trinh. Nhan thdy day la dang bat
phuong trinh mi thuwong gap, do hang tir 32.4* = 32.(2" )2 . Do vay ta sé giai bai
toan nhu sau:
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Cong thtrc ap dung:
log, x +log,y =log, xy

Cong Pha Toan The Best or Nothing

STUDY TIPS
Ham s6 luén don diéu trén
mot doan cho trudce thi dat
GTLN, GTNN tai cdc diém
dau mut. Néu gdp cac ham
s6 dang nay, ta bo qua buge
tim dao ham va két luan
ludén GTLN, GTNN.

BPT < 32.(2°) ~182" +1<0 « (2.2 ~1)(162* ~1)<0 ©%<2“ <%

o -4d<x<-1

Nhan thay ¢ day (—4; —1) la tap con cta tap (—4; O) do d6 chon B.

Cau 18: Pap an A

Véi bai toan dang nay, ta thuong phan tich 1350 ra dang thtra s6 nguyén t0, tir
d6 dua vé cac s da cho trude.

Ta 6 log,, 1350 =log,, (2.3°.5" ) =log,, (23.5) +log,, (3" 5)

=1+2log,, 3+log, 5=2a+b+1

Cau 19: Dap an C.

a\/§+1.a2-\/§ a\/§+1+2-\/3 pe ;

= =—=q
(o)

Ta co

Cau 20: Pap an B.
Néu khong xac dinh dwgc ham s6 da cho lién tuc va don diéu trén doan d6 thi

ta nén lam ting budc mot.

et —ety? x=0 , R A
Ta co y':zxe#:OC{ ) . Nhan thay 0 thudc doan dang xét nén ta sé
ez

xét cac gia tri y(—l);y(O);y(l) .

Taco M= Max{y(—l);y(o ;y(l)} =e; m= Min{y(—l);y(O);y(l)} =0

Cau 21: Pap an C.

Nhén thdy khi nhin vao hé phuong trinh ta thay kha khd, tuy nhién 6 phuong
trinh thi hai cia hé ta c6 thé chuyén bién y theo x, tit d6 thay vao phuong trinh
tht nhat ta duwoc mét phuwong trinh mi, bai toan tré thanh tim s6 nghiém cua
phuong trinh md.

Ta c6 phuwong trinh (2) < y=1-2"" . Thay vao phuong trinh thtt nhét ta duoc:
(1-271) =47 41 22 2227 =4"  42% -2 427 =0 & 32% 42" =0.

Phuong trinh sau khi bién doi ¢6 duy nhat mot nghiém, do dé ta chon C.

Cau 22: Pap an B

. . 1 . ~ r . s 2.
Ta thay sinx.cosx = 5 8in 2x do vay, ta c6 10i giai sau:

Isinxcosxdx = lJ'sir12x¢ilx =1.I2.Sin2xdx = Ilsin2xd(2x) = —lCOSZX +C.
2 4 4 4
Cau 23: Pap an A
Do ho cac nguyén ham ctia ham s8 sau khi tim ra ¢6 hang s8 C. Dé bai cho gia tri
F (—1) =3 dé tim C, tir d6 xac dinh mot nguyén ham can tim.
Tacé P(x):jf(x)dxzj(4x3 - 3x* +2)dx =x'-x*+2x+C.
Ma F(-1)=3 dodé (-1) -(-1) +2(-1)+C=3C=3
Cau 24: Dap an B.
Véi bai toan nay ta ¢ thé bam may tinh ra két qua 1a B. Tuy nhién t6i xin trinh

bay loi giai nhu sau:
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STUDY TIPS
Véi bai toan tich phan chita
can dang nhw bai toan bén,
ta thwong dat can thac
thanh mot bién mdi, tir d6
ddi can va tinh toan dé
dang hon.

STUDY TIPS
Nut gia tri tuyét déi ki hiéu
la Abs vi trong tiéng anh:
Absolute value: gia tri
tuyét déi.

STUDY TIPS
Véi bai toan tich phan
dang c6 ca ham e va sinx
hodc cosx thi ta dit u, v bat
ki, sau d6 dat tiép lan th
hai, sau d6 thé I sé tim
duoc tich phan ban dau.

Véi bai toan nay, ta cd thé st dung phuong phap ddi bién bang cach dat
t=vx®+1.

Dit t=vx*+1 < =x> + 1= 2tdt = 2xdx < xdx = tdt .

2 2
A . as 2
Déican: x=0=t=1x=~/3=t=2.Khidd 1=j3t.tdt=3jt2dt=t3 1=7.
1 1

Cau 25: Pap an A
Day la dang bai toan chtra tri tuyét ddi, do do ta chia khoang dé€ bo déu tri tuyét

déi tir d6 tinh tich phan:
1 1
5 - (1
1 5x dx+ x 1 =l x—=x? +| =x—x

0 =

oc_,w\H

Ta co j.(|3x 1| 2|x|)
0

3

Trén day la cach lam dién giai, tuy nhién quy ddc gia c6 thé st dung may tinh,

vabiéu thi ctia dau gid tri tuyét d6i trén may tinh la nit Abs mau vang hay chinh

Abs rC
la nt w

Quy doc gia chon nut tri tuyét d6i bang cach &n SHIFT] + @ tit d6 man hinh sé

hién nhw sau:

0] Math A

ol 3n=11-21% o
-0 1666666539

Cau 26: Pap an C
sinx = u = du = cosxdx

Day la dang todn tich phan ting phan, do d6 dat
e'dx=vdv=>v=¢"

e

T

2
e*.cosxdx =e? — je" cosxdx

0

ct— 3

T
Khi d6 I =sinx.e’|2 —
0

o . |cosx=u=du=-sinxdx L
Tiép tuc dat .Khi @6
e'dx=vdu=v=¢e"

kg

n 1( =
I=e2—|e".cosx e"(—sinx)dx =e2+1-1 @I:E[e2+1].

o NI:]
O'-—.N\::

Cau 27: Dap an A.

Xét phuong trinh 3x —x* =0 < {x

3
2 7 Ao \ A \ ’ N A , 2
The tich khoi tron xoay can tim dwoc tinh bang cong thitc V == I (3x - xz) dx
0

t 1 3
=u|(x* —6x° +9x*)dx =n| =x°-=x*+3x°
5 2
0

Cau 28: Pap an B

3_81
0

—T.
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STUDY TIPS
Véi bai toan tich phan tirng
phan ta thuong dat u=Inx,
va biéu thitc con lai 1a

f(x)dx =vdv

, 0
Xét phuong trinh hoanh d¢ giao diém ta c6 Inx _ 077" ox=1.
2\/; Inx=0

Khi d6 dién tich hinh phang can tim duoc tinh bang cong thuc:

S=j.lnx 1nxZO.DovétyS:J‘—alx

1 2Jx 1 24x

Nhan thay day la dang tich phan tieng phan, do d¢ ta dat

dx. Nhéan thay véi x e |:1,‘€:| thi Inx

uzlnxzduzldx
x

dezvdv:vzx/;

2Jx

Khi d6 S =+/x.Inx
=2-+e.

Cau 29: Pap an A
Phwong dn A: (\/E + Zi) - (\/E - i) =3i . Day la s0 thuan 4o, chon A ma khong can

e e -1 1
i—_[x/;.ldx =\/7—J.x7dx=\/7—2.x5i =\/;—2.\/E+2
1 X 1

xét cac phwong an con lai.

Cau 30: Pap an D
z=(1-i)(3+2i)=3+2i-3i-2i" =3+2—-i=5-i.
Do d6 so phtic lién hop cua z la z=5+i.

Cau 31: Dap an C

N Y a2 o
Tac0|z|—1<:>|a+(a 1)1|—1©a2+(a 1) =le2i-2u=0< e

Cau 32: Pép 4n A
Taco z=(1+2i) (1-i)=(4i" +4i+1)(1-)
=(4+1+4i)(1-i)=(-3+4i)(1-i)=1+7i.

Khi d6, md dun cta z 13 || =V +7? = /50 =512..

Cau 33: Pép 4n C

Ta 4p dung tinh chét sau: Diém biéu dién s& phtic z =x+yi (x,y € R) trong hé
toa do Oxy la M(x,y) .

Mat khac ,ilz—z—Zi (1) (1+2i)=3+i; —2i° =2i
i

Do d6 ta [an lwot tim duoc toa dd cac diém A, B, C la: A(—Z;—Z);B(3;1);C(0;2)
Khi d6 ta 6 AB=10; AC=2/5;BC=10 va AB?+BC>=AC? do d6 tam giac
ABC vuong can tai B.

Cau 34: Pap an D.

Vi bai todn ¢6 ca z ca z ta thuong dat z =x+yi, (x,y € R) .

Khi d6 phuong trinh dé bai cho tré thanh:

i 3fami) =102 = g ziedai =[50 1T
T 2
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STUDY TIPS
Hinh chép t& giac déu co
duong cao la dudng nodi
dinh ctia hinh choép véi tam
ctia da giac day.

STUDY TIPS
Hinh hop chit nhat c6 3
kich thwdc Ian luot 1a a, b,

c thi d6 dai duong chéo la

Jal+b*+c?.

Cau 35: Dap an C.
O day d@ bai thi€u quy woc R 1a ban kinh ctia hinh tron 16n. Ta ¢6 ©R*=S; va
e =£, khi d6 i=1:r =R—\/E
2 R* 2 2
Cau 36: Dap an B
Ta ¢6 hinh vé véi cac ki hiéu nhw hinh bén:
Nhén thdy day 1a hinh chop té gidc déu nén, SO la duong cao ctia khoi chop. Khi
d¢6, dé tinh khoi chdp, ta di tim d6 dai SO. Mat khéc ta c6 tam giac SOA vudng
a

2
2

Vay SO=+SA>— AO” = | —% =§.

» o2 _ a2

e

6

tai O c6 OA =—= (do tam gidc AOD vudng can tai O).

Thé tich khéi chépla V = %.u
Cau 37: Pap an D

Téng dién tich xung quanh ctia ba qua bong la S, = 3.47R* (v6i R la ban kinh cua
khoi cau).

Dién tich xung quanh ctia hinh tru la: S, = (2nR).3.2R =12nR* . Ttr day suy ra
S

SZ

Cau 38: Dap an B

Bai todn tong qudt:

D’ —C

Ta c6 tam gidc A’B’C’ vudng tai B’ nén A'C'=JA'B2+B'C? =\p* +¢* . Tuong

tw v6i tam gidc A'AC vudngtai A’nén AC'=yJA'A>+A'C? =Ja’ +b* +¢> .
Cau 39: Pap an D
Tacd SA L(ABCD)= (SC,(ABCD))=SCA = 45°
Goi I la trung diém cta canh AD, ta ¢ CI L AD,CI LSA=CI LSD.
Ké CJ LSD= JI 1 SD = géc giitamit phing (SAD) va (SCD) chinhla CJI = .
Tam giac ABC vuong can tai B = AC= a2
Tam giac vudng SAC co SCA=145°, do d6 SA=AC=a\/2. Lai c6 tam giac DAS
dong dang véi tam giac DJI, tir d6 ta co JI = 4.
V3
iy A . a CI
Tam giac vudng JIC c6 Cl =g; [ =—= = tana =F=x/§:> o =60°.

V3
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Cau 40: Dap an A.

S Ki hiéu nhw hinh vé: Véi H la trung diém cua AC, G la trong tam cua tam giac
déu ABC. Khi d6 ((SAC),(ABC))=60°=SHG

Ta c6 tir khai niém vé hinh chép ti giac déu toi da dua ra 6 phan note phia trén,
ta c6 duong cao ctia khéi chép tam gidc déu chinh la doan thang néi dinh cta
khéi chép xudng tam cua tam giac déu ( tam G).

B 1a\/§ a\/§

A Tacod GH = 375 e Do AG la duong cao cua khdi chop nén tam giac SGH
H A . a3 a 1 A 1
vuong tai G. Suy ra SG = GH. tan 60° = r 3= 5 Khi d6 theé tich cua khoi chop
C
3
byl l,mB e o
32 2 2 24

Cau 41: Dap an C

Thiét dién qua truc cta hinh nén 1a tam gidc déu canh 64, nén hinh nén ¢6 duong
sinh SA=SB=1=6a vacodbankinh dayla R=3a.

Ta c6 hinh vé bén:

Dién tich tam gidc SAB bang S = %.SA.SB. sin 30° = %.611.611% =9a°.

Cau 42: Pap an A.
Tacé BC L AB;BC LSA= BC 1 SB. Ha AM 1 SB;ké MN | BC(NeSC)

= MN LSB=(AMN) L SB;
MN 1 AM . Tinh dién tich thiét dién AMN la tam gidc vudng.

2a 4a

Tt tam giac vuong SAB ta tinh dwoc AM =—;SM =—
V5 V5

4a\2 1 4av2 20 44’10

= S ==
5 N2 5 5 25

;SB=0+/5. Tam giac

SBC c6 MN||BC, suyra MN =

Cau 43: Pap an D
Véi phuong an A: Ta co ab=-11+11+0.0=0. Vay A dung.
Véi phuong an B: ta co H =V1* +1* + 1> =3 . Vay B diing.

Véi phuong an C: Ta c6 “;” = 1/(—1)2 12407 =42 Vay C dung. Chon D

Cau 44: Dap an D.

Do mit phang can tim song song véi hai duong thang cho trudc nén vipt cta
mgt phang can tim vudng géc véi vicp ctia hai duong thang da cho, do d6
n=|m,u |=(-567).

Doc thém: Cach bam may tinh t6i da gidi thiéu trong bd dé tinh tuy 2017.

Cau 45: Dap an C

Nhin vao dap an ta thdy tt ca VP déu bang 53, do d6 dit kién A la thira, vi minh
khong can tim ban kinh. Do vay chon C.

Cau 46: Dap an D

Bai toan quen thudc cta phéan bai tap Oxyz.

Tacé AB=(4;-51), AC=(3;-6;4) . Vay vtpt ciia mjt phing (ABC) 1a
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STUDY TIPS
Cong thtrc cosin gitra hai
vecto & tir s6 khong ¢6 tri
tuyét doi.

n=| AB, AC |=(-14;-13;-9) = -1(14;13;9).
Mit phang (ABC):14(x—1)+13(y -6)+9(z-2)=0
< (ABC):14x+13y+9z-110=0
Cau 47: Pap an A
1+2t=7+3m
Ta nhéan thay hé phuong trinh {-2 -3t =-2 +2m v6 nghiém.
5+4t=1-2m
Do d6 ta chon A.
Cau 48: Dap an B
Tacé AB=(-1;-1;4),BC=(3;7;-1)

— —\_ AB.BC ~13+(-1).7 +4.(-
COS(AB,BC): AB.BC 1.3+(-1).7 +4.(-1) 718

IXB—Hﬁ‘ ) \/(—1)2 F(-1) + 42 .\/32 +7% + (1) w7
Cau 49: Pap an A

Thuc chat day 1a bai todn tim khoang cdch mot diém dén mot mat phang. Trudce

tién ta tim phuong trinh (ABC ) Sau do6 ap dung cong thitc khoang cach tinh
khoang cach tir D dén mit phang (ABC)hay chinh la do dai duong cao ctia ti
dién.

Loi giai: Ta c6 AB=(2;-2;-3), AC=(4;0;6).

Tuong ty nhu bai 46 ta 8 n=| AB, AC |=(~12;-24;8) = 4(-3;-6;2) .

Khi d6 phuong trinh (ABC) la —3x — 6y + 2z +22=0.
[-3.(-5)-6.(—4)+28+22 :

1.
J(=3) +(-6)" +22

Khi d6 h=d(D,(ABC))=

Cau 50: Pap an C.

Goi I(x,y,z) , R1an luot 1a tm va ban kinh mét cau ngoai tiép t& dién ABCD.
Ta c6 IA=IB=IC=ID=R. Ta duoc hé phuong trinh: tt IA=IB ta duoc
(l—x)2 +(1—y)2 +(1—Z)2 :(1—x)2 +(2—y)2 +(1—Z)2

@y:E.TL‘rdét‘lmduoc X=z=—
2 2
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BE ON LUVEN S0 16

Cau 1: Cho ham s8 y =ax* +bx* +¢ ¢6 d6 thi nhu
hinh bén. X4c dinh d4u caa 4,b,c.

A

y

W ©
A.a>0,b>0,c<0
C.a>0,b<0,c<0

B.a>0,b<0,c>0
D. a<0,b<0,c<0

Cau 2: Cho ham s8 y=ax’ +bx’ +cx+d(a¢0) la

ham 1é trén R. Khi d6 khang dinh nao sau day la

dung?
A.b=0 B.d=0
C.b=d=0 D. b —4ac>0

Cau 3: Cho ham s6 y=—-x* +2x* +3 ¢ gia tri cuc
dai va gia tri cuc tiéu lan luot 1a y,,y,. Khi do:
A. 2y, -y,=5
Cy,-y = 2\/5

Cau 4: Choham s6 f (x) xac dinh va lién tuc trén

B. y, +3y,=15
D.y +y,=12

R\ {—1} , ¢6 bang bién thién nhu sau:

X —00 -1 +00
Y - -
’ ’ \ v \

—0 2

Khang dinh nao sau day la khang dinh ding?

A. Phuong trinh f (x) -4=0 c6 dang hai
nghiém thuc phan biét trén R\ {—1}

B.Trén R\ {—1} ,ham s6 c6 gid tri 16n nhat bang
5 va gia tri nho nhat bang 2

C. D6 thi ham s6 ¢6 hai tiém cdn ngang
y=2,y=5 vamot tiém can dung x=-1

D. Ca A va C déu ding
x-2

. Khang dinh nao
2x+1

Céau 5: Cho ham s0 y=

sau day la khang dinh dtng va day du nhat?
A. D6 thi ham s cat truc tung tai diém
A(O; —2) va cit truc hoanh tai diém B(2;O)

B. Khong c6 tiép tuyén nao cua d6 thi ham s6
di qua diém [ —l;l
2°2

C. Ham s6 dong bién trén moi khoang

(+4 (4

D.Ca A, B, C déu dung
Cau 6: Cho ham s8 f(x)=x"-2x-1. Ki hiéu
M:maxf(x), m= nEm]f(x) Khi d6 M —m bang:

x€[0;2] xe[0;2

A7 B.9

C.5 D. Bap s6 khac
Cau 7: V6i giad tri nao cua m thi duong cong
(C):y=2"+3x"+1 cit duong thing (d):y=>5"
tai ba di€ém phan biét?

A.1<m<5

B.0<m<1

C.0<m<5

D. Khong c6 gia tri nao cia m thoa man yéu
cau cua dé bai
Cau 8: Tim m d& mdi tiép tuyén cta do thi ham
s8 y=x" —mx* —2mx +2017 déula do thi cia ham
s0 bac nhdt dong bién.

A.-6<m<0 B. 24<m<0

C. —%<m<0 D. -6<m<0

(m+1)x—2m+1

x—1

Cau 9: Tim m d€ do thi (H) Y=
khong c6 tiém can ding.

1

A.m=2 B.m=1 C.m=-1 D.m=§

Cau 10: Cho hinh nén tron xoay (N ) codinh S va
day la hinh tron tam O bén kinh 7 nam trén mét
phang (P), duong cao SO =h. Diém O' thay déi
trén doan SO sao cho SO'=x (O<x<h). Hinh
tru tron xoay (T) c6 day thir nhat la hinh tron tam
O ban kinh 7' (0 <r'< r) ndm trén mit phéng
(P), ddy thit hai 1a hinh tron tim O' ban kinh '
nam trén mat phang (Q), (Q) vudng gbc voi SO

tai O' (duong tron day thit hai cua (T) la giao
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tuyén ctia (Q) véi mat xung quanh cua (N ) )-Hay
xac dinh gia tri ctia x d€ thé tich phan khong gian
nam phia trong (N ) nhung phia ngoai ctua (T)
dat gia tri nho nhat.

A.x=lh B.x=lh C.x=zh D.x=lh
2 3 3 4

Cau 11: Vé6i gid tri nao cua m thi ham so

2
f (x):M dong bién trén tap xéc

x+1
dinh.
A.m<0 B.m<0 C.m=0 D.m=-1
Cau 12: Cho 9" +97* =23. Tinh 3" +37",
A.5 B. £5 C.3 D.6

Cau 13: Chon khang dinh sai trong cic khang
dinh sau day.

A. Néu ba s6 thuc x,y,z c6 tong khong d6i thi
2016",2016",2016" c6 tich khong d6i

B. Néu ba s thuc x,y,z theo thé ty 1a ba s&
hang lién ti€p trong mot cadp sd nhan thi
log x,log y,log z theo thit tw 1a ba s6 hang lién tiép
trong mot cdp s6 cong

C. Dao ham ctia ham sd y=1n|2x—1| trén

1 2
R\ 1 =
\{2} SR T

D. Mdi ham s8 y=a*,y =log, x dong bién trén

tap xac dinh khi a >1 va nghich bién trén tap xac
dinh khi 0<a<1 (a la hang s6)

, 1
Cau 14: Tap xac dinh cia ham s6 y =— la:
lex _610
A. R\{10} B. [ 10;+0)
C. (In10;+0) D. (10;+)

Cau 15: Diéu nao sau day du désuy ra {/a =+/b?
A. 3=log,a B.b=3/;

C.a*=b° D. g/—==1
bS
Cau 16: Diéu nao sau day khong du dé€ suy ra
log, x+log,y =107

A, y=21""8" B. log, (xy)=10

C. logz x3 +10g2 y3 =30 D. x= 210*log2y
Cau 17: Ham s6 nao sau day c6 dao ham la:

y'=3"In3+7x°?

A y=3"+x B. y=3"+7"

C.y=x>+x D.y=x"+7"
Cau 18: Phuong trinh:
log, x+log, x+log, x+log, x=log, x+log, x+log, x+log, x
c6 bao nhiéu nghiém?

A.2 B.4 C.3 D.1
Cau 19: Cho a=log, 3,b=log, 5 Biéu dién
log,,1350 theo a va b.

A a+2b+1 B. 2(a+Db)

C. 2a+0b+1 D. Két qua khac
Cau 20: Giai phuong trinh 32° =1. Loi giai sau
day sai bat dau tir budc nao?
Budc 1: Bién d6i 3°2" =1 37(27) =1
Budc 2: Bién ddi 3°(2") =1 (327) =1
Budc 3: Bién doi (327) =1 (327) =(32°)

, A x 0

Budc 4: Bién d6i (327) =(3.27) < x=0
Budc 5: Két luan: Phuong trinh da cho ¢6 nghiém
duy nhat x=0

A. Budc 2 B. Budc 3

C. Ca 5 budc déu dung D. Budc 4
Cau 21: Cac loai cay xanh trong qua trinh quang
hop sé nhan dwoc mot lwong nho cacbon 14 (mot
dong vi cacbon). Khi mét b phén cua cay do bi
chét thi hién tuwong quang hop cling sé ngung va
no sé khong nhan thém cacbon 14 nita. Lwgng
cacbon 14 ctia bo phan d6 sé phan huy mot cach
cham chap, chuyén héa thanh nito 14. Goi P(t) la
sO phan tram cacbon 14 con lai trong mét bo phan
cua mot cay sinh truong tiv + nam truede day thi

_t

P(t) duoc cho boi cong thite: P(#)=100.(0,5)7 (%).
Phan tich mot mau gd tir mdt cong trinh kién tric
c6, nguoi ta thay luong cacbon 14 con lai trong gd
la 65,21(%). Hay xac dinh nién dai ctia cong trinh
kién trac do.

A. 3574 nam B. 3754 nam

C. 3475 nam D. 3547 ndm
Cau 22: Cho cacham f(x),g(x) 6 dao ham lién
tuc trén doan [a;b]. Khi dé:
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A ; £(x)g'(x)dx =(f(x)g(x))
£()g (x)ete = £(x)3())

£ () (x)ee=(£(x) ()

B.

C.

[ — RN —
2

a
b b
D. If(x)g'(x)dx = f(x)g(x) —J.f'(x)g(x)dx
Cau 23: Ham s0 nao dudi day la nguyén ham cua

1
N1+ 22

ham s f(x)= trén khoang (—o0;+w0)?

C. F(x)=v1+x*+C
D F(x)z 2x +C

Cau 24: Cho mach dién nhu hinh vé dudi. Liic dau
tu dién co dién tich Q, (C ) Khi dong khoéa K, tu
dién phoéng dién qua cudn day L. Gia st cuong
d6 dong dién tai thoi diém ¢ phu thudc vao thoi
gian theo cong thic I= I(t) = Qooocos(oot) (A),
trong d6 o (rad/s)latansd goc, t>0 c6 don vila

giay (s) Tinh dién luong chay qua mot thiét dién
thing ctia day tir luc bat dau déng khéa K (t=0)
dén thoi diém ¢ =6 (s).

K
S

2 -

B. Q,sin(60)(C)
D. Q, cos(6o)) (@)

mir

A. Qoo)sin(6w) (C)
C. Qoo)cos(6w) (C)

3
Cau 25: Tinh tich phan I = J(tanz x+ tan* x)dx.
0

1=¥ B.I=+3

A.

_5n
9

C.I D. Bap s6 khac

Cau 26: Cho I = Ilnxdx. Khi d06:
1

A. I:(xlnx+x)‘i B. I:(xlnx—l)‘i

e
1

C. 1 :(x(lnx—l))‘i D. Iz(ln;xJ

Cau 27: Tinh dién tich hinh phing duoc giéi han
boi d6 thi ham s§ y =x°, truc hoanh va hai duong
th.:fmg x=-1,x=2, biét ré“mg mdi don vi dai trén
cac truc toa dd 1a 2cm.

15

_ 2 _1oe 5
A. §=15(cm’) B.s_4(cm)
_17 2 _ 2
C. S—Z(cm ) D. S-l7(cm )
Cau 28: Rut gon biéu thic:
T:C°+1C1+1C2+...+LC",neN*.
T2 30" n+l1 "
A.T= 2 B. T=2"
n+1
n_ »1+1_
C. T=2 1 D. T=2 1
n+1 n+1

Cho hai s6"phiec z, =1-1i,z, =3+2i. Trd 10i cdc cdu
hoi tir Cau 29 dén Cau 32.
Cau 29: Phan thyuc va phan ao cua s6 phutc z,.z,
twong tng bang:

A.5val B.5va-i C.5va-1 D.4val
Cau 30: Tim mddun cua sd phie z_1 -z,.

A5  B.5 c.V13 D.\2
Cau 31: Trong mat phang Oxy, goi cac diém
M,N Tan luot la diém biéu dién s6 phtrc 2,2y,
goi G la trong tam ctuia tam giac OMN, voéi O la
gbc toa d6. Hoi G la diém biéu dién ctia s§ phiic

nao sau day?

A 5-i B. 4+i C.é+li D.2+li
3 3 2
Cau 32: Tim s6 phtic z thoa man ;.Zl-l‘Zz =0.
A. z=—l—§i B. z=l—§i
2 2 2 2
C. z:l+éi D. z:—l+éi
2 2 2 2

Cau 33: Xét phuwong trinh z° =1 trén tap sd phtic.
Tap nghiém cua phueong trinh la:
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A. $=11} B.S:{l;_li\/g}

Cs- {1_1+£,} b s {gi}
2 2 2

Ciu 34: Cho s0 phic 2z thoa méan
|[z—4|+|z+4]|=10. Gia tri I6n nhét va gia tri nho
nhat cta |z| [an Iwot la:

A.10va4 B.5va4 C.4va3 D.5va3
Cau 35: Mot hinh chop c6 2x1998 canh thi cé bao
nhiéu mat?

A. 1999 B. 1998

C. 2000 D.Ca A, B, C déu sai
Cau 36: Khoi tru tron xoay c6 duong cao va ban
kinh day cling bang 1 thi thé tich bang:

1

A. 12 B. «t C. gn D. 2n

Cau 37: Cho khoi chép S.ABC ¢6 SA=9,SB=4,
SC =8 va d6i mot vudng goc. Cac diém A',B',C'

théa man SA=2SA',SB=3.SB,SC=45C". The

tich khoi chop S.A'B'C' la:
A.24 B. 16 C.2 D. 12

Cau 38: Khoi lang tru tam gidc déu co tat ca cac

M \ 7 A 7 \ 9 \ A \ e X
canh bang nhau va c6 thé tich la n thi d6 dai moi

canh bang;
A. $243 B.\3
C.3 D. Dap s6 khac

Cau 39: Cho ABCD.A'B'C'D' la hinh lap phuong
cé canh 4. Tinh thé tich khoi t& dién ACD'B'.

3 3 3
1 B.a\/z a D.a;/g

A =4 C. —
3 3 4

Cau 40: Mot vién da c6 dang khdi chop ti giac déu

Vi tat ca cac canh bang nhau va bang . Nguoi ta
cura vién da d6 theo mat phang song song véi mét
day cta khoi chop dé chia vién da thanh hai phan
c6 thé tich béng nhau. Tinh dién tich thiét dién

vién da bi cua boi mat phang noi trén.

a’ a’
A — B. —
V3 2
aZ
C.— D. Két qua khac

n
Cau 41: Trong cac ménh dé sau, ménh dé nao sai?
A. Mbi khoi da dién déu 1a mot khéi da dién 16i

B. Hinh chép tam giac déu 1a hinh chép ¢6 bon
mdt la cac tam giac déu

C. Chi ¢ ndm loai khéi da dién déu

D. Mbi canh ctia hinh da dién 1a canh chung
cta dung hai mat
Cau 42: Mot hinh tru ¢ tam cac ddy la A, B. Biét
rang mat cau duong kinh AB tiép xtic véi cdc mat
day cua hinh tru tai A, B va tiép xtic véi mat xung
quanh cta hinh tru d6. Dién tich ctia mdt cau nay
la 16n. Tinh dién tich xung quanh ctia hinh tru da
cho.

A. 16—n B. 167 C. 8=n D. 8—n

3 3
Cau 43: Tim m d€ goc gitta hai vecto:
= (1;10g3 5;1og 2),;) = (3;10g5 3;4) la gbéc nhon.

Chon phuong an dung va day du nhat.

A.m>%,m¢1 B. m>1hoac 0<m<%
C. 0<m<% D. m>1
Cau 44: Vecto nao sau day la mot vecto chi
phuong ctia duong thang A: xll Y _+12=§?
A u =(11;2) B. u, =(~1,2;0)
C. u, =(-2;2;-4) D. u, =(1;-2;0)

Cau 45: Cho hai diém A(L1,0),B(L-1,—4).
Phuong trinh cia mat cau (S) duong kinh AB la:

A. ¥ +(y—1)2 +(z+2)2 =5

B. (x+1) +y* +(z+4) =5
C. (x+1) +12+(z-2) =5
D. (x-1) +y* +(z+2) =

Céu 46: Cho hai vecto 1 = (3; m;o),

2

0= (1;7 —Zm;O)
Tan luot 1a vecto phép tuyén ctia hai mat phang
song song. Khi d6 gia tri ctia m la:

A.2 B.1

C.0 D. D4p s6 khac
Cau 47: Cho diém M (a; b;c) voi a,b,c 1a cic hang
s6 khac 0, O(O; 0,'0) la gbc toa d9. Goi A, B,C lan
luot 1a hinh chiéu vudng goéc ctia M trén cac truc
toa dd Ox, Oy,Oz. Thé tich khoéi t dién OABC la:
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A. labc B. l|5zbc| C. l|5zbc| D. l|abc|
6 6 3 2
Cau 48: Cho diém M(l; 2; —1). Viét phuong trinh
mat phang (oc) di qua gdc toa do O(O;O;O) va
cach M mot khoang 16n nhat.

B. X2 Y 2

A x+2y-z=0 5t 3
C.x-y-z=0 D. x+y+z-2=0
Cau 49: Tim diém Mtrén duong thang

x=1+t
d:qy=1-t sao cho AM=\/g, vai A(0;2;—2).
z=2t

A. M(1;1;0) hodc M(2;1;-1)
B. M(1,1;0) hodc M(-1;3;-4)

C. M(-1;3;-4) hodc M(2;1;-1)
D. Khong c6 diém M nao théa man yéu cau
cua bai toan
Cau 50: Cho mét cau
(S):x% +y* +2° —2x+4z+1=0 va duong thang
x=2-t
d:{ y=t .Tim m &€ d cit (S) tai hai diém
z=m+t
phan biét A, B sao cho cdc mat phang tiép dién
cta (S) tai A vatai B vuong goc voi nhau.
. m=-1 hoac m=-4
m=0 hoac m=-4
m=-1 hoac m=0
.Ca A, B, C déu sai

oNn = p
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STUDY TIPS
Ham sd y = f(x) xac dinh
trén mién D, y :f(x) 1a
ham s6 1 trén D néu voi
moi xeD thi —xeD
thoa man f(x) = —f(—x)

DAP AN
1C 2C 3A 4D 5D 6B 7B 8D 9A | 10C
11C | 12A | 13B | 14D | 15A | 16B | 17A | 18D | 19C | 20B

21D | 22A | 23A | 24B 25B 26C | 27D | 28D | 29C | 30A

31C | 32D | 33C | 34D | 35A | 36B | 37C | 38B | 39A | 40D

41B 42B 43B 44C | 45D | 46D 47B 48A 49B 50A

HUONG DAN GIAI CHI TIET
Cau1l: Pap an C
Do d6 thi ham s6 ¢6 dang chit W (meo) nén cd hé s6 a > 0;b <0 . Nhan thay voi
x=0 thi y am. Do dd c<0.
Cau2: PapanC
Ttr dinh nghia da dwgc note ¢ bén canh thi ta thdy d€ ham s6
y=ax’ +bx’ +cx+d(a # O) la ham lé trén R thi f(x) = —f(—x)
Sax’ +bx’ +ex+d= —(—ax3 +bx* —cx+d) & bx* +d=-bx*—d

< 2bx* +2d =0. D& thoa man yéu cau dé bai thi b=d=0.
Cau 3: Pap an A
Ta Ian luot di tim gia tri cuc dai va cuc tiéu ctia ham s bang cach 18y dao ham.
x=-1
Tacd y'=—4x’ +4x=0<|x=1 .Ta thdy day la ham s6 bac bon triing
x=0
phuong cd hé s& a=-1<0va c6 ba diém cuc tri, tir day ta suy ra ham s6 dat
cucdaitai x=-1;x=1. Ham s0 dat cuc tiéu tai x=0.
Khidé y, =y(1)=y(-1)=4, y, =y(0)=3. Tir day suy ra A dting.
Cau 4: Pap an D.
Voi phwong dn A: Ta thdy sd nghiém cta phuong trinh f (x) -4 =0 la so giao
diém cta d6 thi hamsd y = f (x) va duong thang y = 4. Khi nhin vao BBT ta
thay duong thang y =4 cat do thi tai hai diém phan biét. Vay A dtng, tuy
nhién ta chua v6i khoanh vi nhin phuong 4n D ta thdy néi ca A va C dang nén
ta xét ludn C ma khong can xét B.
V6i phwong dn C: Ta thay lim f(x) =—oo va lim f(x) =+ nén x =-1 la tiém

x—>-1" x—>-1"
can dung cta d6 thi ham s6 y = f(x)
Tiép tuc ta cd lim f(x) =5; lim f(x) =2 nén y=2;y =>5 lahai tiém can ngang

cta d6 thi ham s6 da cho. Do vay C dung. Ta chon luén D ma khong can xét B
nira.

Cau 5: Pap an D.

Voi phwong dn A: Ta thdy A (0; —2) va B (2; 0) dung la giao diém ctia d6 thi ham
s0 da cho véi truc tung va truc hoanh.

Vi phwong dn B: Ta thdy voi x = —% thi phwong trinh tiép tuyén ctia d6 thi ham

5

6 d& cho khéng xdc dinh. Do hé s8 géc cta tiép tuyén lak = f'(x, ) = (26, +1)"
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Vay B dung. Dén day ta khong can xét C va D nita, vi ca A va B déu dung, ta
khong thé chon 2 dap an, do vay ta chon D.

Cau 6: Dap an B

D€ hoc nhanh vdi viéc tim GTLN, GTNN t6i trinh bay cac budc nhw sau:

1. Xét xem ham s6'cé don diéu trén doan dang xét khong, néu né don diéu thi 1y ludn
GTNN, GTLN 6 cic diém ditu muit. Néu né khong don diéu, tiép tuc xét dén buéce 2.

STUDY TIPS . o N . PN VLA e
1. Xét tinh don diéu trén 2. Tim nghiém cua phwong trinh y'=0 hodc cdc gid tri lam cho y' khong xdc dinh.
doan ( khoang) dang xét. 3. So sanh cdc gid tri.
2. Tim nghi¢m ctia phuong O day cac budc lam dién giai ra thi dai, tuy nhién khi vao bai ta c6 thé tw duy
trinh y'=0 hodc GT lam nhanh nhw sau:
ho y’” kho ac dinh.
; ;Oysénﬁng racd Loi gidi: Taco y'= f'(x) =4x° —dx=x=0;x=Lx=-1.
O day ta dang xét doan [0; 2] nén ta sé xét f(O); f(l); f(2) .
Tir day ta duge M—m=f(2)- f(1)=7-(-2)=9.
Cau 7: Pap an B.
Ta thiy ham s y =x* +3x” + 1 la ham s8 bac ba, nén d& do thi ham s& (C) cat
duodng thing d tai ba diém phan biét thi db thi ham s§ (C) trudc tién phai c6
hai diém cuec tri.
x=0=>y=1
Tacod y'=3x> +6x=0< Y
x=-2=>y=5
D& dd thi ham s6 (C) cat dudng thing d tai ba diém phan biét thi
1<5" <5< 0<m<1
Cau 8: Dap an D.
Ta thay tiép tuyén cua d6 thi hamsd y = f (x) tai diém x =x, ludn c6 dang
y=f"(x,)(x—x,)+ f(x,). Mat khac, ham s§ bacnhat y = ax + b véi a=0 ludn
dong bién khi a > 0. Do dé, bai todn tro thanh, tim m dé f'(x)>0vdi moi x.
Tacé f'(x)=3x" —2mx—2m.
(L 2
bé f'(x)>0 vGi moi x thi A'=(-m) +6m<0 & -6<m<0.
3>0
Cau 9: Dap an A.
Ta thdy ham s6 da cho c6 thé 1a ham phan thic hodc khong, tuy nhién dé€ d6 thi
STUDY TIPS

. ham s6 da cho khong c6 tiém can ding thi ham s6 da cho khong phai ham
D& mot ph trinh A T e N : X

€ motphuong ( ) phan thttc, titc la da thizc tir s6 rat gon cho da thitc mau so.
bat ki thoa man véi moi o1 - N AT e 1s Y.
bich x thi dit x 1am nhin ti Dé thoa man yéu cau dé bai thi (m + 1) x—-2m+1= k(x - 1) voi keZ.

chung tir d6 tim diéu kién. Phuong trinh twong duong véi x(m+1—-k)—2m+1+k=0. D& théa man véi

= .
—2m+1+k=0 k=3
Cau 10: Pap an C
Dé bai yéu cau tim x &€ phan khong gian nam phia trong (N ) nhung phia

moi x thi {

ngoai (T) dat gia tri nho nhat, twong duong véi tim x dé€ thé tich khoi tru (T)

dat gid tri 16n nhat (bai toan nay twong tw nhuw bai toan vat mi tom ma toi da
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STUDY TIPS
D& mot phuong trinh (*)
bat ki théa man véi moi
bién x thi dit x lam nhan
i chung tir d6 tim diéu
kién.

STUDY TIPS
Nhiéu doc gia nghi
2
(3+3™) =25

< 3°+37 =45 lasai.

STUDY TIPS
Nhiéu déc gia khong xét
treong hop r <0 nén cho
rang B dung.

gioi thiéu 6 cau 11 dé 6 trong sach bd dé Tinh tiy moén toan 2017). Nén ¢ day
toi sé trinh bay 10i giai luon.
Loi gidi:

Ap dung dinh Ii Thales ta c6: %= Loys 5
r

Khi d6 ta c6 cong thirc tinh thé tich cua khéi trula V = f(x)=n(r ')2 (h-x)

:nI:—z.xz.(h—x).

2
Khi d¢ f'(x):%(zhx—3x2):0<:>x=2—3h do x> 0. Dén day ta chon C.

Cau 11: Pap an C
Nhén thay néu ham s6 da cho ton tai & dang phan thic thi ham s6 sé khong thé
dong bién trén tap xac dinh duoc, bdi tap xac dinh cia ham s6 la mét tap hop
s0 khong lién tuc gom hai khoang la (—oo; —1) va (—l; +oo) . bay la phan ma toi
da chu y rdt nhiéu trong sach Bo dé Tinh Tay 2017, cu thé la trong sach toi da
ghi r6: “O sach gido khoa hién hanh, khong gidi thiéu khai niém ham s& (mot
bién) dong bién, nghich bién trén mot tap s, ma chi gidi thiéu khéi niém ham
sO (mot bién) dong bién, nghich bién trén mot khoang, mot doan, nira khoang
(ntta doan).”

Do vay, néu da thitc tir s8 c6 thé rit gon cho da thitc 6 mau s thi ham sd tro vé
ham bac nhat c6 hé s 2 =2>0 nén ludén dong bién trén tap xac dinh la tap R.
Loi gidi: D& ham 8 f (x) = 25 rRen]

thitc tir sO chia hét cho da thittc @ mau s0, tic la:

dong bién trén tap xac dinh thi da

(2x+a)(x+1)=2x2 +3x+m+1 véi moi x.
<:>(2+a)x+a=3x+m+1 <:>(a—1)x+a—m—1=0.Phuongtrinhnéyth(’)a

a-1=0 {azl

= .
a-m—-1=0 m=0

man voi moi x khi {
Cau 12: Pap an A.
Tacd 9" +97% =233 +2.3°.3" +37 =23+2

(3" +37) =25=3"+37 =5 (do VT luén 16n hon 0).

Cau 13: Pap an B

Voi phwrong dn A: Day la phuong an dung boi : 2016%.20167.2016° =2016"7"* .
Do x, y, z c6 tong khong d6i nén 2016 khong doi.

V6i phwong dn B: Néu dat y=xrthi z=xr’(v6i r20). Khi d6

Véi r>0 thi logy =logxr =logx +logr

log z =log xr* =log x + 2log r thoa man la cdp s6 cdng, tuy nhién véi r <0 thi
khong thoa man, boi khi d6 log khong ton tai. Vay B sai. Chon B.

Cau 14: Pap an D.

D& ham s0 xac dinh thi c6 diéu kién:

1. Diéu kién d€ can thtrc ton tai, tizc 1a biéu thitc trong can 1én hon hogc bang 0.
2. Diéu kién d& ham phan thttc ton tai, ttc 1a da thiec dudi mau khac 0.

x=>10

< x>10.

x#10

s an (4 . |er—e" 20
Dé ham so da cho xac dinh thi: " =
et —e’ #0
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STUDY TIPS
Nhiéu doc gia nghi rang &
C c6 tré rat gon can dua vé
dang can suy ra, tuy nhién,
do phuong trinh ban dau
ta c6 thé1ay cdn bac 12 boi
ban than hai vé&la binh
phuong luén hén hon
béng 0, chtt khong phai a, b
16n hon 0.

Cau 15: Dap an A.
Ta Ian luot di xét tirng phuong an: Véi diéu kién tat ca cac biéu thirc logarit ton
tai thi:

b>0;b=1,a>0

b3

=a=b (Do a,b>0

Voi phuwong dn A: Ta cd 3=log, a < {
a=

nén co thé suy ra dugc).

V6i phwong dn B: Ta thay b= a nhung ¢ day khong cé diéu kién d€ a>0;b>0

nén khong 1dy can hai v& duoc.

Voi phwong dn C: Ta c6 thé 18y can bac 12 ctia hai vé thi ta sé co fa? =lpe ( Tuy

nhién khong c6 diéu kién d€ a>0;b >0 d€ rat gon can nén C khong suy ra

duoc.

Voi phwong dn D, ta ciing khong thé c6 diéu kién a>0;b>0.

Nhdn xét: Day la mot cau hoi hay, hoc sinh dé bi chon sai.

Cau 16: Dap an B.

O day ta c6 thé chon ludn B boi digu kién dé logarit ton tai la xy >0, tdc x,y

cung dau. Ma diéu kién d€ tach log, xy =log, x +log, y 1a x,y >0. Do vay B

khong du diéu kién d€ suy ra.

Vi cac phuong an con lai:

Véi A: Do VP la ham mi luén 16n hon 0, do d6 ta c6 thé 1ay logarit co s6 2 cua

hai v€ va suy ra duoc pt < log, x=10-log, y < log, x +log, y=10

Voi C: Thi < 3(log2 x +log, y) =30« log, x +log, y=10 .

D twong tu A.

Cau 17: Pap an A

Day la bai toan tim nguyén ham, ta c6 F (x) = J(3x In3+7x° )dx =x"+3" +C.

Cau 18: Pap an D.

Vi bai todn dang tim sd nghiém ctia phuong trinh nay, ta khong nhat thiét

phai giai phwong trinh ra, sau day toi co 1oi giai:

Phuong trinh da cho twong dwong voi:

log, x +log, x +1og, x +log, x —log, x —log. x —log, x —log, x=0

bat VT = f(x) .Khi d6 taxétham s6 y = f(x) trén (O,' +oo). Khi d6 ta c6

Y E! 5 NS B SR N NS B B B oy
x\In2 In4 In6 In8 In3 In5 In7 In9

Do vay ham s6 y = f(x) dong bién trén (0,' +). Vay phuong trinh f(x) =0 co

nhiéu nhat mot nghiém trén (0; +oo) . Chon D.

Cau19: Dap an C

Ta ¢6 log,, 1350 =log,, (30.3%.5) = log,, 30 +log,, 3’ +log,, 5

=1+2log,, 3+log,, 5=2a+b+1

Cau 20: Pap an B.

Ta thay o budc 3: (3.2* )x =le (3.2" )X = (3.2‘ )O . Thiéu treong hop co s8 bang 1

tire 3.2" =1 2° :%@,x:logz%

244 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem



25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

STUDY TIPS
Cho ham u,v la cic ham
sd ctia x c6 dao ham lién
tuc trén doan. Khi &6

b
'[udv =uv
a

]:—zvdu

STUDY TIPS
Véi (a € ]R) ta co:
dx
[ +a
x4 +a ‘ e

=In

STUDY TIPS

(tanx)' =tan®*x+1

Cau 21: Pap an D.
Dé bai tuy kha la dai, tuy nhién day thuc chat chi 1a bai toan giai phwong trinh
mi.
Ta thay 65,21% vao sau d6 tim ¢.
: t
Ta c6 100.(0,5)7% = 65,21 0.57% =0,6521 < ﬁ =log, 0,6521

< t=>5750.10g, ; 0,6521 ~ 3547 nam.

Cau 22: Pap an A

Day thuc chat 1a bai toan kiém tra kién thirc vé tich phan ting phan. Ta ¢ mot
dinh nghia vé tich phéan tirng phan nhu da Note ¢ bén

O day biéu thtic & VT ludn khong ddi 1a if (x)g'(x)dx, mit khac ta c6

b
g'(x)dx= d(g(x)) . Vay VT tr¢ thanh: If(x)d(g(x)) Ap dung dinh nghia vé
tich phan tieng phan ¢ trén cho u= f(x);v = g(x) ta co

J (s 9) = (s ()] - [ (s)a ).

Cau 23: Dap an A.
Ta ¢ bai toan gdc sau:

Bai todn géc: Chirmg minh J. dx ln‘x +Vx% + a‘ + c(a € R)

J¥ +a
2
Dit t=x+m3dt=(1+2—xjdx@dt=@dx

2x% +a X’ +a

o df tdx <:>£= dx

NESE N

Vay khi d6 I dx =j%=ln|t|+c=ln‘x+\/x2 +a‘+c ( diéu phai chiing

N2 +a

minh).
Khi d6 4p dung cong thitc vira chitng minh ta cé

F(x):J. 1 clx:ln‘x+\/1+x2 +c:ln(x+\/1+x2)+c.

1+ a2
Cau 24: Pap an B
Ta ¢6 biéu thirc ctia cuong d6 dong dién tai thoi diém ¢ phu thudc vao thoi gian

la biéu thirc dao ham cua biéu thic dién luon chay qua tiét dién théng cua day,
hay néi cach khac

tZ
bién luong chay qua tiét dién S trong thoi gian tir ¢, dén ¢, 1a Ag= I idt.

Vay Ag= IQchos(wt)dt =Q, sin(wt) g: Q, sin(6w)(C).

Cau 25: Dap an B

Ta thdy tan’ x + tan* x = tan’ x (1 +tan® x) . Mat khac ta c6

(tanx)' = >

b
=tan” x + 1. Do vy bai todn tr& thanh dang If(u).u'dx
cos® x y
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Tacod [=

St— w3

(tan2 x + tan* x)dx = | tan? x(l + tan? x)dx

St— |

g 2 1 3 E 1 T ’ 3
:J.tan xd(tanx):—tan x|3 =—|]| tan— —(tanO) =\/§.
3 3 0 3 3

Cau 26: Pap an C.
Ta giai bai toan nhu dang tich phan tirng phan:
1
Dit u—lnx:du—;dx
vdv=dx=v=x

e

i—jx%dxz(x.lnx—x)
1

Khido I=x.Inx

iz(x(lnx—l))i

Cau 27: Pap an D.
Day la bai toan tinh dién tich hinh phang dwa vé tich phan thong thuong, tuy

STUDY TIPS nhién, mdi don vi dai trén cac truc toa d6 1 2 cm do d6, sau khi tinh xong ta sé
Khi tinh tich phan, ludn xét  nhan két qua véi 4, do don vi dién tich 1a cm” .
xem f (x) 16n hon 0 hay Xét phuong trinh hoanh d6 giao diém x° =0 < x=0.
nho hon 0 dé xét dau. Trén [—1; O] thi y= x° <0, con trén [0; 2] thi y= x® >0, nén dién tich hinh

phéng trén truc toa do néu tinh theo don vi dai trén truc toa do la :

0 2
L —l+4:%(donvidéi).

0 2
S=I—x3dx+jx3dx=—1x4 =
J J s 1T o T

D6i vé don vi ¢m? ta duoc S = 17(cm2 )

Cau 28: Pap an D.

Taco T=C) +%C}1 ot 1 1CZ.Nhén thay céc s6 %;%;%;...;L thay ddi ta

n+ n+1

n+1

nghi ngay dén biéu thiic I x"dx = e,
n+1

O day ta sé c6 10 giai nhw sau:

Tacd (1+x) =CP+xC) +x°C2 +x°C) +...+x"C!.
1 1

Khi d6 ta suy ra I(l +x) dx= I(CB +xC +x7C2 +2°C +...+x"C! )dx
0

0

nt 1 2 3 n+1 1
@L(Hl) T =lca+ i+ v+
n+1 0 2 3 n+1 0
n+l
o A ol e, 1 C".bén day ta chon D.
n+1 23 n+l "

Cau 29: Pap an C
Tacd z,.z, =(1-i)(3+2i)=3+2i-3i-2i* =3+2-i=5-i
Vay s6 phttc z,.z, ¢6 phan thucla 5 va phan ao la -1.

Cau 30: Pap an A

—[1+i-3-2i]=|-2-i=y(-2) +(-1) =V5.

Cau 31: Pap an C
Do M, N Ian luot 1a diém biéu dién s6 phttc z ;z, nén M(l; —1),N(3;2) .

Taco: |z, -z,
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STUDY TIPS
Cho 2 vecto u va v . Khi
dqqqﬂzﬁ+ﬂ

D4u bang xay ra khi u,v

cung hudéng.

Khi d6 toa d6 diém G la trong tam ctia tam giac OMN c6 toa d6 G [% ,%j .

Vay G la diém biéu dién ctia s6 phtic z=§+%i.

Cau 32: Pap an D.

Ddt z=x+yi(x,yeR),nén pt@(x—yi)(l—i)+3+2i=0
ex—ix—yi+yi’ +3+2i=0 < (x—y+3)+i(-x-y+2)=0

1

<:>{x—y+3:0 - X 2

-x-y+2=0 5
=3
Cau 33: Pap an C
Vi bai toan nay, cach nhanh nhét 1a st dung may tinh nhw sau:
AnMODE| — 5: EQN| — chon 4
Sau d6 nhap hé s6 may hién nhu sau:

0] Math¥ 0} Math A 0} MathVA
wi= Aa= hz=
N I A
1 z z 1 “ztE1
x=1

Loi gidi thong thuong: z° =1 —-1)(z? 1)=0 SELA LS
01 gidi théng thuong: z <:>(z )(z +z+ ) | x=—
_-1 V3.

2 2

Cau 34: Pap an D.
bat z=x+yi (x, ye R) . Khi d6 phuong trinh dé bai trd thanh:

|x—4+yi|+|x+4+yi=10 <:>\/(x—4)2 +y° +\/(X+4)2 +y° =10

Dén day, ta nhé dén cac bat dang thiic vecto nhu note & bén.

Vay dat ;t=(x—4;y),;;=(x+4,y) . Khi d¢6 ap dung bdt |E|+|;2‘1—1+;‘ ta co:
Je=a) w2+ (x4 4y =\ (20) +(29)

<1022(x" +y° < |z| <5.Vay GTLN ctia md dun s6 phtrc z 1a 5.

V6i GTNN, ap dung bat dang thitc Bunyakovski ta co:

(1.\/(x—4)2 +y° +1.\/(x+4)2 +y° )2 s(l2 +12)((x—4)2 +y° +(x+4)2 +y2)

:>10s2(x2 +y° +16)<:>x2 +y° 29>+ 23,

Vay GTNN cta mé dun sd phurc z la 3.

Cau 35: Dap an A.

Mot hinh c6 day la n giac thi sé c6 n canh bén va n mat bén va 1 mdt day. Vay
hinh chép ¢6 tong 1a 2.1998 canh tic la c6 1999 mat.

Cau 36: Dap an B.

Cong thire tinh thé tich ctia khoi tru tron xoay 1a V =nR*h=n

Cau 37: Pap an C.

Ta c6 cong thirc ti 1& thé tich trong tt dién duwoc note & bén.
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STUDY TIPS
Cho tir dién S.ABC, va cac
diém A’, B’, C’ [an luot
nim trén cic doan SA, SB,
SC. Khi d6 ta céd
Veage SA SB SC'
V, " SA "SB SC

SABC

STUDY TIPS
Dién tich tam giac déu c6
a3
4

canhala S=

STUDY TIPS
Khi viéc tinh thé tich ctia
khéi dé bai yéu cau qua
khé dé€ thiét 1ap cong thike,
ta nén chuyén huéng sang
cach lam gian tiép.

Vispe SA'SB'SC' 111 1
V... SA SB'SC 234 24

S.ABC

Mit khac nhw ¢ cac dé trude toi da gioi thiéu thi thé tich ctia khéi chop S.ABC

Do vay ¢ day:

c6 SA, SB, SC d6i mot vudng gocla V.

SABC

.SA.SB.SC = %.9.8.4 =48.

bén day tasuyra S, .. :g =2.
Cau 38: Dap an B
Hinh lang tru tam giac déu khac véi hinh lang tru cé ddy 1a tam giac déu o chd:
1. Hinh lang tru tam gidc déu 13 hinh lang tru dimg c6 ddy 1a tam gidc déu.
2. Hinh lang tru c6 day 1a tam gidc déu chua chic da 1a hinh ling tru déng.
Ta c6 cong thirc tinh thé tich khdi lang tru tam giac déu la

1 a3 f

Vv =5y ah =~ h.Ma tit ca cic canh bang nhau do d6 ta c6

V:%f :%:m:\/g.

Cau 39: Dap an A.
Nhin vao hinh vé ta thdy néu di tinh truc ti€p thé tich khoi t& dién ACD’B’ la
kha lau, do d¢ ta sé di tim mot cach gian tiép nhu sau:

Taco VACD 'B' VABCD A'B'C'D' VD'ADC - VB'ACB - VCB'C'D' - VAA'B'D' :
1 1 1
Mat khactanhan thdy V., .=V, =Vecn =Viisn = g'a‘E'SABCD = gtf
1 a’
Do va =0’ —4.-a =—.
y ACD'B' 6 3

Cau 40: Pap an D.

Ki hiéu nhw hinh vé ta dat SO'=x.

Do khéi chdp it gidc déu c6 tat ca cac canh béng nhau va bang a nén ta c6
SA=SB=SC=SD=AB=BC=CD=DA=a.Hinh vuéong ABCD c6 2 duong
chéo AC=BD=ay/2.Tam gidc SOA vudng tai O nén

SO=+SA* - AO* =

Ap dung dinh ly Thales ta c:

&ZSAZQZL:A'D' AD. i: w2
SO SA AD

1 2 2,

Khidé V,, ,.cp gx(x\/i) —gx .
1 .24 11 a {2

Mat khac VSA 'B'C'D' 2 VSABCD ’ do détacod §x3 ZE.E.E.(ZZ = 2711.

3
Vay S, pcn =x* Z%az
Cau 41: Dap an B
O day ta c6 kién thikc sau: Trong Chwong trinh THPT chiing ta hoc:
Chi c6 5 loai khéi da dién déu. D6 1a loai {3;3}, loai {4;3}, loai {3;4}, loai

{5;3} va loai {3;5}.
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STUDY TIPS
Khinhan chia hai vé ctia bat
phuong trinh phai xét dau
ctia biéu thitc nhéan vao.
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Chuing duoc gioi thiéu trong cac hinh duoi day:
Khéi tie dién Khéi lap phuong Khoi bat dién déu

/e

<
7

Khoi muoi hai mit déu  Khdi hai muwoi mét déu

7

O
VZ\

Do vay A, C dang. Tiép theo véi D, ta thdy D ding vi day 1a mot trong hai diéu
kién d€ xac dinh khéi da dién. Do d6 ta chon B.

Cau 42: Dap an B.

Do mat cau tiép xtic véi mat day ctia hinh tru tai A, B va ti€p xtic véi mat xung
quanh ctia hinh tru nén hinh tru 6 chéu cao i = AB va ban kinh day bang ban
kinh khéi cau. Mat khéc 4nR* =16n = R =2. Vay thé tich ctia khéi tru la:

V =Bh=n2’4=167.

Cau 43: Dap an B.

l<m<1
2
Ta co cos(;t,{i) = Ei = 3+ log, 5.1(1513 +log,, 24 .
[ [
Do mau s8 ludn 16n hon 0 nén ta di tim diéu kién dé ti s8 duong.
Mt khac 3 +log, 5.log. 3 +4log, 2>0 < 4log, 2>—4

<log, 2>-1<log, 2 >10gml
m

Vi 0<m<1 thi <:>l>2<:>m<%. K&t hop véi diéu kién suy ra O<m<%.
m

Véi m>1 thi <:>l<2<:>m>%. Két hop diéu kién suy ra m > 1.
m

Cau 44: Pap an C.

Nhén thay U= (1;—1;2) .Tacd us =—2u do d6 ta chon C.

Cau 45: Pap an D.

Mit cau (S) duong kinh AB nén mét cau (S) co tam [ (1; 0; —2) la trung diém

ctia AB vabankinh R =1IA = \/(1 ~1) +(1-0)" +(0-(-2)) =5

Vay (8):(x—1) +y* +(z+2) =5.
Cau 46: Pap an D.
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Vi u,v 13 hai vtpt ctia hai mit phing song song nén hai vecto nay ciing

STUDY TIPS
Cho t¢ dién S.ABC ¢6 cac
canh SA, SB, SC d6i mot
vuong goc thi

=>m=3.

3
huwong. Do vay — =
PRTOng. o VY =7 T om

Cau 47: Pap an B.
Ta nhén thay khi chiéu M 1én cac truc toa do thi tt dién OABC la tit dién c6 OA,

1
Vsase = 6 SASB.SC OB, OC, OD d6i mot vuong géc.Ap dung cong thikc toi trinh bay ¢ trén ta co:
V=1 0AOBOB = l|abc| :
6 6
M Cau 48: Pap an A.

Goi H la hinh chiéu ctia M trén mit phang (oc) . Khi d6 khoang cach tit M dén
mat phang (a) la MH. Ta c6 tam giac MHO vudng tai H nén HM < MO . D&
MH max thi H=0, hay OM J_(oc). Khi do ((x) qua O(O; 0;0) va co vtpt

y ;le—M:(l;Z;—l) c6 phuong trinh x +2y—z=0.
0 Cau 49: Dap an B.

Tacé M(1+51-42t). Taco AM? =(t+1) +(-1-t) +(2t+2) =6
t=0=M(11,0)

t=-2=M(-1;3;-4)

Cau 50: Pap an A.

Ta c6 néu hai mat phang tiép dién ctia (S) tai A va B vudng goc voi nhau thi

S62 +12=0<

hai vtpt ctia hai mat phang nay ciing vudng goc véi nhau. Ma hai vtpt ctia hai
mat phéng nay chinh la ﬁ,ﬁ% . Véi 1(1; 0; —2) 14 tAm ctia méit cau (S) .

Vay ta c6 hai diéu kién sau:

1.d cét (S ) tai hai diém phan biét.

2. IAIB=0.

Loi gidi: D& thdéa man yéu cau dé bai thi triedc tién d phai cat mit cau, tic 1a
phuong trinh (2 - 1&)2 +£8+(m+ 1&)2 ~2.(2—t)+4.(m+1t)+1=0 c6 hai nghiém
phan biét.

<3 +2(m+1)t+m’ +4m+1=0

Phuong trinh c6 hai nghiém phan biét khi A'>0 < (m + 1)2 —3m* —=12m—-3>0
om’ +5m+1<0.

Véi phurong trinh ¢6 hai nghiém phan biét , 4p dung dinh li Viet ta co

m’+4m+1 -2

tt ,t1+t2=?(m+1)

1'2 =

3
Khidd [A=(1-t;t;m+2+t),IB=(1—t,;t,;m+2+1,).
Vay ﬁjB:(l—tl)(1—t2)+1‘1t‘2 +(m+2+4)(m+2+t,)=0

=3t +(m+1)(t, +1,)+(m+2) +1=0

@mz+4m+1—§(m+1)2+(m+2)2+1=0 & sz} (TM).
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BE ON LUVEN SO 17

Cau 1: Tim tat ca cac gia tri thuc cua tham s6 m

(m+1)x+2m+2

sao cho ham s§ y = nghich bién

xX+m
trén khoang (—1;+oo).
A.m=>1 B.1<m<?2
C. me(—oo;l) u(2;+oo) D. -1<m<?2
Cau 2: Cho a>0;b>0 thoa man 4> +b* =14ab.
Chon ménh dé dung trong cac ménh dé sau?

A. log¥ = %(loga + logb)

B. 2(loga+logb) :log(14ab)
C. log(a + b) = 2(10ga + logb)
1
D. 1 +b)-4=—(loga+logb
og(a ) 2( oga+log )

Céu 3: Cho hai diém A(3;4;8), B(2;2;5). Diém
C &(Oxz) thang hang véi hai diém A, B c6 toa do:

A. C(-1,0;-2) B. C(2;0;4)

C. C(-2;0,-4) D. C(1;0;2)
Cau 4: Cho hinh nén dinh S, day la hinh tron tam
O, gbc o dinh nén bang 150°. Trén duong tron
day, lay mot diém A 6 dinh. C6 bao nhiéu mat
phéng chita SA cit nén theo mot thiét dién co dién
tich 16n nhat.

A.C63mitphang  B.C6 1 mat phang

C.C62mit phang  D.C6 vd s6 mit phang

Céau5: Choham 6 y = 2 ;3 . Gia tri y'(O) bang;
A. 11r1E B.1 C. 11r1§ D.0
8 3

Cau 6: Cho s0 phtc z thoa man |22—1+3i|=4.
Tap cac diém biéu thi cho z la mot duong tron co
ban kinh r la:

Ar=4 B.r=1 C.r=v2 D.r=2
Cau 7: Cho khoi chép S.ABCD c6 day ABCD la
hinh vudéng, canh bén SA vuodng goc véi day va
23

>
khoang cach tir diém B dén mit phang (SAC ) la:

Ll el e o

. . D.
2 3 5 3

SA=a+/3. Biét dién tich tam giac SAB la

Cau 8: Cho ham s0 y= x—1

. Phuong trinh tié]
x+2 & P

tuyén cua do6 thi tai giao ctia d6 thi voi Ox la?

A, x-3y-1=0 B. x+3y+1=0

C. x-3y+1=0 D. x+3y-1=0
Cau 9: Cuong d6 mot tran dong dat duoc cho boi
cong thitc M =logA-logA,, voi A la bién do
rung chan t6i da va A, 1a mdt bién do chuan
(hang s6). Dau thé ky 20, mot tran dong dat ¢ San
Francisco c6 cuong do do dwoc 8 do Richter.
Trong cung nam d9, tran dong dat khac 6 Nhat
Ban c6 ceong do do duoc 6 do Richer. Hoi tran
dong dat o San Francisco c6 bién d¢ gap bao nhiéu
lan bién d¢ tran dong dat & Nhat Ban?

A.10001an B.10lan C.2TI4an D. 100 Tan
Cau 10: Giai bat phuong trinh log, (2x-1)>2 ta

4

duoc:
A.l<x<§ B.x>§
2 32 32
C.x<l hoac x>§ D.x>l
2 32 2

Cau 11: Cho ham s8 y = f(x)c6 d thi nhu hinh
vé bén, cac khang dinh sau khang dinh nao la
dung?

o
\

A. Ham s6 dat gia tri nho nhat bang —1 va dat
gia tri 16n nhat bang 3

B. D thi ham s8 c6 diém cyc tiéu A(-1,-1) va
diém cyre dai B(1;3)

C. Ham s6 c6 gid tri cuc dai béng 1

D. Ham s6 dat cuc tiéu tai A(—l;—l) va cuc dai

tai B(1;3)

Dat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 251



Cong Pha Toan

The Best or Nothing

1
Céu 12: Tinh tich phan 1= [x(22* +1) dx.
0

AT=2 B122 ciss b2l
2 4 3

Cau13: Choham s6 y = —x* +2x* +3. Goi h va h,
[an lwot la khoang cach tir hai diém cuc dai va cuc
tiéu ctia d6 thi ham sd dén truc hoanh. Ty s6 hﬁ la:

1

A.é B.1 C.E D.E
3 4 2

Cau 14: Cho AABC ¢63dinh A(m;0;0),B(2;1;2),

, V35
C(0;2;1).Bé S =—— thi:
( ) AABC 2
A.m=1 B.m=2 C.m=3 D.m=4
2 —_
Céu 15: Tim m d& d5 thi ham s§ y=—~ X2
x°—2x+m

2 tiém can dung.

B. m<1va m=-8
C.m>1va m#-8 D. m>1

Cau 16: Cho hai s6 phttc z, =1+1;z, =2+ 3i. Tim

A.m#1vam=#-8

s phiic w=(z, )2 :
A, w=6+4i B. w=6-4i
Cw=-6-4i D. w=-6+4i

Cau 17: Cho F (x) la mot nguyén ham cuaa

2

f(x) =2x+1 trén R. Biéthamso6 y = F(x) dat gia
tri nho nhat bang % D0 thi cia ham s8 y = F(x)

cit truc tung tai diém co tung do la:

A. 37 B. 10 C. Sl D.11
4 4

Cau 18: Cho s6 phtc z=a+bi thdéa man
2z+2=3+i. Gid tri ctia biéu thtre 3a+b 1a:
A.6 B.3 C.4 D.5
Cau 19: Cho khoi chop S.ABC ¢6 SA=3;SB=4;
SC=5 va SA, SB, SC d6i mot vudng goc. Thé
tich cua khoi cau ngoai tiép khoi chép S.ABC la:
5V2r . 10V2r | 125V2r
3

A. 2521 B.
3 3

Cau 20: Tim m d€ ham s6:
y=—x"+3mx’ —3(2m—1)x+1 nghich bién trén R.
A. Ludn thoa man véi moi gia tri ctia m
B. Khong c6 gia tri cua m
C.m=1
D. m=1

Cau 21: Ham s6 nao sau day c6 bang bién thién
nhuw hinh bén:

X —o0 2 +00
y - -
’ ! \ v \
—0 1
x+3 2x—7
A. = B, =
Y x—2 Y x—2
2x+3 x—3
C.y= D. y=
y x—2 y x—2

Cau 22: Mot miéng bia hinh chit nhat c6 kich
thuede 20ecm x 50cm. Nguoi ta chia miéng bia
thanh 3 phan nhw hinh vé dé khi gép lai thu duoc
mot hinh ldng tru ding c6 chidu cao bang chidu
rong ctia miéng bia. Dién tich xung quanh cua

hinh lang tru thu duoc la:
A. 1500 c¢m? B. 2000 cm?
C. 1000 c¢m?* D. 500 cm?

Cau 23: Mt hinh nén ¢6 ban kinh day bang 1cm,
chiéu cao nén bang 2cm. Khi d6 géc & dinh ctia
nén la 2¢ théa man:

A. tan(p=£ B. sin(p=&
5 5
C. COt(p=§ D COS¢=§

Cau 24: Trong cac ham sd sau, ham sd nao ludn
dong bién trén ting khoang xac dinh cuia n¢?

2x-1
:;T(I); y=—x*+2x* =2(II);

y=x"+3x—5(II).

A.Tvalll B.Chil

C.Ivall D.IIvalll

Cau 25: Ham s6 y =log, (—x2 +5x—6) cd tap xac
dinh la:

A. (2;3) B. (—o0;2) U (3;40)

C. (—00;2) D. (3;+oo)
Cau 26: Cho hai s6 phtic z, =1+3i ;z, =2—i. Tim
sO phttc w =2z, —3z,.

A. w=-4-9i B. w=-3+2i
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C.w=-3-2i D. w=-4+9i
Cau 27: Cho ham s8 y=x*-2mx* +2m+m*. Véi
gia tri nao ctia m thi d6 thi (Cm) cb 3 diém cuec tri

dong thoi 3 diém cuee tri d6 tao thanh mot tam giac

c6 dién tich bang 4.
A. m=316 B. m=-316
C. m=3%16 D. m=16

A oA AXT-1
Cau 28: Chohamso y =

. Hay chon ménh

dé dung trong cac ménh dé sau:

A. D06 thi ham s6 c6 tiém can ngang la y=-1,
co tiém can ding la x=0

B. D6 thi ham s6 ¢ hai tiém canngangla y=1
va y=-1

C. D06 thi ham s6 ¢6 hai tiém can ngangla y=1
va y=-1, co tiém can dingla x=0

D. D6 thi ham s8 ¢6 tiém canngangla y =1, ¢
tiém can dingla x=0
Cau 29: Mot d6i xay dung can hoan thién mot hé
théng cot tron ctia mét ctra hang kinh doanh gom
10 chiéc. Trudc khi hoan thién mdi chiéc cot 1a mot
khoi bé tong cdt thép hinh lang tru luc giac déu co
canh 20 cm; sau khi hoan thién (béng cach trat
thém vita tong hop vao xung quanh) mdi cot 1a
mot khdi tru c6 duong kinh ddy bang 42 cm.
Chiéu cao ctia mdi cdt trede va sau khi hoan thién
la 4 m. Biét luong xi mang can dung chiém 80%
lwong vita va cit mot bao xi mang 50 kg thi twong
dwong v6i 64000 cm® xi méang. Hoi can it nhat bao
nhiéu bao xi mang loai 50 kg d€ hoan thién toan

bd hé thong cot?
A. 25 (bao) B. 18 (bao)
C. 28 (bao) D. 22 (bao)

CAu 30: SO dinh ctia mot hinh bat dién déu la:
A.7 B.5 C.6 D. 8

Cau 31: Mot con ca hoi boi nguoc dong dé€ vuot
mot khoang cach la 200km. Van tSc cta dong
nudc 1a 8 km/h. néu van toc boi cia ca khi nudce
ding yén la v (km/h) thi ndng lwong tiéu hao ctia
ca trong 1 gio dwoc cho boi cong thirc:
E (U) =¢,0°t (trong d6 c 1a mot hang s6, E duoc
tinh bang Jun). Tim van t3c boi ctia ca khi nuée
dung yén dé nang luong tiéu hao la it nhat:

A.12 km/h B. 9 km/h

C. 6 km/h D. 15 km/h

Cau 32: Gid tri ctia bidu thirc E=3"2"9¥2 272
bz‘?mg:

A.27 B.9 C.1 D.3
Cau 33: Cho tam giac ABC o

A(1;2;3),B(—3;0;1), C(—l;y;z ) Trong tam G ctua
tam gidc ABC thudc truc Ox khi cdp (y;z) la:
A.(1,2) B.(24) C.(-1,-2) D.(-2,-4)
Cau 34: Dat a=log,15;b =log,10. Hay biéu dién
log ;50 theo avab.
A.log ;50=(a+b-1) B. log;50=3(a+b-1)
C. log ;50=2(a+b~1) D. log ;50=4(a+b-1)
Ciu 35: Diém cyc tiéu chaa d6 thi ham so:
y=x"-3x" +3 thudc géc phan tu:
A.III B.II C.1v D.I
Cau 36: Cho s0 phtic z thoa man |z + 1| = |z -2i+ 3|.
Biét tap cac diém biéu thi cho z la mdt duong
thang. Phuong trinh duong thang d6 la:
A x-y-3=0 B. x-y+3=0
C.x+y+3=0 D. x-y=0
Cau 37: Cho 3 diém A(0;1;,2), B(3;-1,1),
C (0; 3;0). Puong thang di qua trong tam G ctia
tam gidc ABC va vudng goc v6i mat phang (ABC )

c6 phuong trinh:

x-1 y-1 z-1 x-1 y-1 z-1
1 -1 1 1 1 1
x—lzy—lzz—l D x—lzy—lzz—l
-1 1 1 1 1 -1
Cau 38: Cho D 1a mién hinh phéang gii han béi

A.

C.

ylesinx;yzo;xzo;ng. Khi D quay quanh

Ox tao thanh mot khéi tron xoay. Thé tich cta
khéi tron xoay thu dugc:

A.1 (dvtt) B. n(dvtt)

C. 2x (dvtt) D. 2 (dvtt)
Cau 39: Cho phuong trinh z*>-2z+17=0 ¢0 hai

nghiém phttcla z, va z,. Gid tri cia |zl|+|zz| la:

A. 2417 B.2J13 €. 2419 D. 2415

Cau 40: Tinh dao ham ciaa ham so
y=1og,, (x2 +1).
NPT By 2%
2017 (x2 +1)1n2017
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(x2 +1)1n2017 (xz +1)

Cau 41: Cho khéi chdp S.ABC c6 day ABC latam
gidc vuong can tai B, d6 dai canh AB=BC =g,

Cy'=

canh bén SA vudng goc voi ddy va SA =2a. Thé
tich V ctia khéi chép S.ABC la:

a’ at a’

AV== B.V==— C V=4 D.V==—
3 2 6

Cau 42: Cho mat phang (P) di qua cac diém
A(-2;0;0), B(0;3;0), C(0;0;-3). Mt phing (P)
vubng géc véi mit phing nao trong cac mat
phéng sau:
A x+y+z+1=0
C.x-2y-z-3=0

B. 2x+2y—-z-1=0
D. 2x+3y+z-1=0

K

4
Cau 43: Tinh tich phan = [——dx.
) COs” x
A. I:g+ln\/5 B. zzg—ln\ﬁ
C. I=£+In£ D. I=£—ln£
4 2 4 2

Cau 44: Mot miéng bia hinh tron ¢6 ban kinh la
20cm. Trén bién cia miéng bia, ta xac dinh 8 diém
A, B, C, D, E, F, G, H theo tht tir chia duong tron
thanh 8 phan bang nhau. Cat bo theo cac nét lién
nhue hinh vé d€ c6 dwgc hinh chir thap
ABNCDPEFQGHM r6i gdp lai theo cac nét dut
MN, NP, PQ, QM tao thanh mot khdi hop khong
nap. Thé tich ctia khéi hop thu duoc la:

4000224212 4000( 2-v2 )3

A.

B

2 ' V2

C. 4000(2—&)\/4-2& D. 4000 (\/2 -2 )3

Cau 45: Chon khéng dinh sai trong cac khang dinh

sau:
A. j.sin(l - x)dx = j.sinxdx
0 0

. 3
B. J‘sinfdx :ZIsinxdx
0 2 0
1
C. I(1+x)xdx=£
5 2
h 2
D. Ixz‘m (1 + x)dx =—
) 2009
CAu 46: Cho 4, b 1a hai s6 ti nhién 16n hon 1 thoa
man a+b=10 va a"*b*" 1a mét s tw nhién c6 973
chi s6. Cap (a,b) thoa man bai toan la:
A.(55) B.(6;4) C.(82) D.(7;3)
Cau 47: Cho mit phang (P):x+y+z+3=0 va

x—1 :y—Jrll:il. Phuong trinh

duong thang Andm trong mat phang (P), cat

duong thang d:

duong thang dva vudng gdc voi ;t(l; 2;3) la:

x+1 y+1 z+1 x+8 y—-2 z-3

A. B.
1 2 1 1 -2 1
C.Ezy_—2:z—3 D. x+8:y—2:z—3
1 2 1 1 2 1
Céu 48: Cho ham s6 f(x):2 ! 3 Goi F(x) la
x_

mot nguyén ham ctaa f (x) Chon phurong an sai.

A. F(x):wﬂo B. F(x)=M+1O
In(2x-3)° In x‘%
C. F(X)=T+5 D. F(.X)=T+1

Cau 49: Mot khdi hop chit nhat ABCD.A B.C,D,

c6 ddy ABCD la mot hinh vudng. Biét tong dién

tich tat ca cac mat cua khoi hop d6 1a 32, thé tich

Ién nhat ma khéi hop ABCD.A,B,C,D, la bao

nhiéu?

563 8043 L 70V3 643
9 9 9 9

Cau 50: Tim m dé€ phuong trinh

A B.

|x* —5x” + 4| =log, m 6 8 nghiém phan biét:

A. O<m<3/2_9
C. 1<m<‘\‘/2_9

B. Khong co gia tri cia m

D. —3/2_9<m<3/2—9
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STUDY TIPS
Nhiéu doc gia quén diéu
kién -m ¢ (—1; +oo) nén
dAn dén chon D.
Tuy nhién hay nhé ki rf?mg,
dé ham s6 don diéu trén
mot khoang thi ham s6
phai lién tye xac dinh trén
khoang dé.

PAP AN
1B 2A | 3D 4C 5A | 6D 7A | 8A | 9D | 10A
11B | 12C | 13A | 14C | 15B | 16D | 17B | 18C | 19D | 20D
21A | 22C | 23D | 24A | 25A | 26D | 27C | 28B | 29B | 30C
31A | 32B | 33D | 34C | 35C | 36B | 37B | 38B | 39A | 40B
41A | 42B | 43C | 44C | 45C | 46D | 47B | 48B | 49D | 50C

HUONG DAN GIAI CHI TIET
Cau 1: Pap an B.
Nhén thay ¢ day dé bai cho ta bai toan vé dang ham phan thirc bac nhat trén bac
nhat ma ta da duoc hoc, do vay ta cd hai TH dé xét: 1la TH m=-1 va m = -1.
Véi m=-1 thi thay truc ti€p vao ham sd da cho va xac dinh khoang don diéu.
V6i m # -1 thi xét nhu xét véi ham phan thitc bac nhat trén bac nhat.

*V6i m=-1 thi ham s6 da cho c6 dang y =0 1a ham hang (khong thoa man).

m(m+1)—2m—2 mt—m=2

*Véi m=-1tht y'=
D (xsm)

Déham s da cho nghich bién trén khoang (—1; +oo) thi

<S1<m<?2

m* —m—-2<0,Vm=-1 ~1<m<2
-m<-1

—m¢ (—1; +oo)
Cau 2: Pap an A.
Ta nhén thdy néu 1ay loga hai vé&ludn thi log (a2 +b° ) sé kho phan tich ra boi
khong c6 cong thic log (x + y) . Do vay, nhin vao cac phuong an nhan thay B la
phuong an ltra dé ta chon, tuy nhién khong cé cong thirc bién doi vé trai nhu
vay. Nén, d€ c6 thé bién do6i duoc vé trai ta dua vé dang:

pt < (a+b)2 —2ab=14ab <::>(¢1+b)2 =16ab.

2
a+b
Ta co: pt<:>(a+b)2=16ab<:>(—)=ab.
it bt v (a+D)
Lay logarit hai vé ta duoc log e log (ab)
< 2lo a+b—lo a+logh <lo a+b—l(lo a+lo b)
&7 & & &7, ~ 9% )

Cau 3: Pap an D.

Do Ce (Oxz) nén C (x, 0, z) . Tat ca cac phuong an A, B, C, D déu thdéa man
tinh chat nay, do d¢ ta xét dén tinh chat tiép theo, dé A, B, C thang hang thi
AB=kAC .

Tacé AB=(-1-2;-3); AC=(x-3;-4;z-8)

Cau4: Papan C

O hinh vé bén, cc tam giac SAM, SAN, SAP, SAQ la mot vai trong vO s0 thiét
dién ctia mat phéng chtta canh SA cit mit nén.

Goi duong sinh cua khéi nén la I va goc ¢ dinh can cua tam giac thiét dién la o
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STUDY TIPS
Nhiéu ddc gia quén rang
6 hai truong hop la hai
thiét dién nam vé hai phia
ctia khéi chép. Nén chon B

STUDY TIPS
Cac cong thizc ap dung:
(ax )' =a".lna
Inx+Iny =Inxy
(v6i cac logarit nepe trén
ton tai).

STUDY TIPS
(2x-1)" +(2y+3) =16
Chura phai dang cta
phuong trinh duong tron.
Do vay chon A la sai.

2
Khi dé 0<a.<150°. Ta cd S=%.lz.sinoc. Ma [ khéng déi, sina<1 do d6 SS%.
Dau béng xay ra khi o =90°. Do d6 ta c6 thé thdy, c6 2 tam giac thiét dién nam
vé hai ntra ciia khéi nén la tam gidc vudng can. Do d6 ta chon C.
Cau 5: Dap an A.

Ta thdy v6i bai toan nay ta c6 thé chuyén nhanh ham s6 vé dang

243 1 (3Y)
y: =_+ _—
4 2* |4

) 243" 1 (3)
Tac0y= e =2_X+Z

Khido y'= i+ 3 '=i.lnl+ 3 .lnE
2¢ 4 2v 2 4 4

0
Véi x=0 thi y'(O)zzio.ln%Jr[%j .1n%zln%+ln%:1n(l.§len§

Cau 6: Pap an D.
Vi dang toan nay, do dé yéu cau tim ban kinh R do d6 ta phai dua z vé dang
z=x+1iy (x,ye]R)

Dit z=x+iy (x,y € R)khi d6 phuong trinh da cho tré thanh

2

[2(x+iy)-1+3i|=4 <|2x—1+(2y +3)i|=4 <:>\/(2x—1)2+(2y+3) 4

1Y 3)
= (2v-1) +(2y+3) =16 @(x—aj +(y+5j =4

Khi d6é R=2.
Cau 7: Dap an A.

Ta thdy SA vudng goc véi mat phang ddy, do d6 SA vudng géc OB, ma OB
vudng goc AC, do d6 OB L (SAC). Tix day ta chi di tinh d6 dai OB.

3
2
gidc vudng tai A nén tir d6 ta tim duoc d6 dai AB hay chinh la d¢ dai canh hinh

vudng, dén day ta tinh duwoc d6 dai OB.
Tach {SA LOB
ACLOB

Do dién tich tam giac SAB la va SA= a\/g , mat khac tam giac SAB la tam

= OB L(SAC)

a2

Do dé d(B,(SAC))zOB.Ta cé AB=255AB —a.Khidé BD=a2 >0B="2
SA 2

Cau 8: Dap an A.
Ta thdy giao véi d6 thi ham s6 vdi truc Ox la diém A (1; 0) . Khi d6 phuong
trinh tiép tuyén ctia d6 thi ham s6 da cho tai A s€ c6 dang

y:f'(xo)(X—xo)Jrf(xo).Thay x, =1 vao ta co két qua.

Tacod y'= ( 2)2 . Khi d6 phuong trinh tiép tuyén tai A c6 dang
X+

y=f'(1)(x—1)+0 hay y=%x—% < x-3y-1=0.
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STUDY TIPS
Véi bai toan dang nay ta
chi can nhdm nhanh 8-6=2
nén ti s sé 1a 10> =100
twong tw nhu trong Vat 1y
vé mutc cuong dd am

STUDY TIPS
Nhiéu doc gia sai [am khi
nham lan gifta B va D. Tuy
nhién phai dién dat lai D
nhu sau méi ding:
Ham s6 dat cuc tiéu tai
x =-1 va dat cuc dai tai

x=1

Cau 9: Pap an D.
Ta thdy cong thirc tinh ceong do tran rung chan co thé chuyén vé dang

M= logAi. Khi dé cuong do tran dong dat thit nhét dc tinh bz‘?mg cong thirc

0

A
logA—1 =8= A, =10°.A,. Tuong tu voi bién dd thit hai thi ta duwoc A, =10° A,

0

Al
=—1=100.
A

2

Cau 10: Pap an A.
Diéu kién x >%

Khi d6 bat phuwong trinh twong duong véi

log, (2x-1)>log, 2 oax-1 <2 Sx< 2 K& hop véi diéu kién ban dau
: 216 16 32

ta duoc l<x<§
2 32

Sai lam thwong gdip:

1. Quén diéu kién.
2. Khong nhén thiy 0< % <1 nén khéng déo chitu bat déng thic.

Cau 11: Dap an B

Voi A: Ta thdy —1;3 khong phai la gid tri nho nhat, 16n nhat ma lan luot la gid
tri cuec tiéu va gid tri ceee dai cua ham s da cho.

Véi B: Pay la khang dinh dtng.

Voi C: Ham s ¢6 gia tri cuc dai brimg 3, con ham s ¢ mot diém cpc daila x=1
Cau12: Pap an C

Ta thay (2x2 + 1)' =4x. Do vay ta sé nhan thém 4 vao d€ tao ra tich phan dang

b

[ £(u)du.

a

Ta b I:ij’(zxz +1)3 .(4x)dx:ij.(2x2 +1)3 d(sz +1) =i.i.(2x2 +1)4 (1)=5

0 0

Cdch st dung mdy tinh: Nhan nut tinh tich phan trong may tinh, nhap biéu
thiic ta dwoc két quala 5.
Cau 13: Pap an A.

Ta thay néu goi A (Jc1 Y, ) va B(x2 Y, ) [an lwot 1 hai diém cuec dai va cuec tiéu

ctia db thi ham s&. Khi d6 2~ =%
1 yZ
x=0
1
Tacod y'=—4x" +4x=0<|x=1 .Khido £=M=é.
x=-1 v jy(o)] 3

Cau14: Dap an C

Tacd S,y :%‘[E,R] .Do d6 ta s& di im AB=(2-m;1;2) ; AC = (-m; 2;1).
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Ma [E,A—CJ = (—3; -m-2;-m+ 4)

STUDY TIPS
g K096 S <3[4 L b T v -2
thi 4p dung cong thirc
1 M5 AC oo —dm+29=35 | "0
Spac = E.‘[AB,AC] {m _
Cau 15: Pap an B.
Ta thay véi ham phan thitc dang nay thi gia tri lam cho da thitc mau s bang 0
la a thi x=a sé la phuong trinh tiém can ding ctia 6 thi ham s6. Tuy nhién ta
can c6 cht y 1a x =a khong la nghiém ctia phuong trinh da thitc tir s8 bang 0.
, (x—l)(x+2) e .
STUDY TIPS Taco y= o Dé d6 thi ham s6 c6 hai tiém can ding thi phuong

Nh¢ diéu kién sao cho N L. n A , N

N trinh x* —2x + m =0 ¢4 hai nghiém phan biét khac 1,-2, tic la

x =a khodng phai la

nghiém ctia phuwong trinh {1 -m>0 {m <1
=

da thiic tir s bang 0.

m#zlL,m#8 m#8

Cau 16: Pap an D.
Cach 1: w=(1+i) .(2+3i)=(i" +2i+1)(2+3i) =2i(2+3i) =4i -6
Cach 2: Dung may tinh. Chon MODE 2 d€ chuyén mady tinh sang dang tinh

toan voi s6 phtec, sau d6 nhap nhu sau:
CMPLX B Math A

(1+i )Ex( 2435 )
BO TUI
-G+

Cau 17: Pap an B.
Ta co F(x):J-(2x+I)dx:x2 +x+c.

2
I—"(x):x2 +x+c=(x+i] +c—i26—i véi moi x. Ma dé cho GTNN ctia ham

sO yzF(x) bang 3 do do c—l=§:>6=10.Véyd6 thi cia ham s6
4 4 4

y=F (x) cat truc tung tai diém cé tung d6 bang 10.
Cau 18: Bap an C.
Vi bai toan dang nay ta thay luén z =4+ bi vao dé€ tinh.

Phuong trinh da cho tuong duong véi 2.(a+bi)+a—bi=3+i

. 3a—-3=0 a=1 _ _,
©30-3+(b-1)i=0< & , e d6 3a+b=4
b-1=0 b=1
Cau 19: Pap an D.
Bai todn gé’c: Cho khoi t dién SABC ¢6 SA, SB, SC d6i mét vudng goc, voi
SA=a,5B=b,5C =c . Tinh thé tich khoi cau ngoai ti€p khdi t dién.

Tam giac day SBC vudng tai S, do d6 tam duong tron ngoai tiép cta tam giac

la trung diém ctia BC, tir trung diém ctia BC ké duong thang d vuong goc véi

mat phéng (SBC ) Goi A la trung truc ctia canh SA. Khi d6 And=1 latam

cua khdi cau ngoai ti€p ti dién SABC.
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STUDY TIPS
Ban kinh cuia khéi cau
ngoai tiép khoi t¢ dién ¢
cac canh bén cting chung
mot dinh d6i mot vudng
goc véi nhau la:

R :%'\/a2 +b*+c?

Véi a, b, c [an luwot 1a d6 dai
cac canh bén dé.

STUDY TIPS
Nhiéu doc gia quén truong

hop (mfl)2 =0 nén chon

B la sai.
STUDY TIPS
[ax+b), _ad-bc
cx+d (cx+ d)z

STUDY TIPS
1. Ham phan thirc bac nhat
trén bac nhat ludén don
diéu trén titng khoang xac
dinh.
2. Ham béc bén trung
phuong khéng bao gio don
diéu trén R.

SA* BC?
+
4

Khi d6 ta di tim R=SI. Ta thdy SI =

Ma tam gidc SBC vudng tai Snén BC = \/SB2 +SC?* = \/b2 +¢® nén

R=SI=%\/¢12 +b* +c?

Tt bai toan g6c ap dung vao bai ta dwge R= %\/ 3 +4*+5 = # Khi d6

4 4 (5@ T _125\2n

V==nR>==m
3 3 2 3

Cau 20: Pap an D.

Ta thdy day 1a ham s6 bac ba cé hé s6 a=-1<0 luén nghich bién trén R khi
phuong trinh y'=0 vd nghiém hodc c¢6 nghiém duy nhét. Ttic la phuong trinh
—3x% +6mx —3(2m —1)=0< x* —2mx +2m —1=0 c6 nghiém kép hodc vo
nghiém.

Hay m* —2m+1<0, ma m* —2m+1=(m—1)2 >0,vm.Dovay m=1.

Cau 21: Pap an A

Nhaén thay nhin vao hai can thi ta c6 thé loai B va C, do tiém can ngang cua hai
d6 thi ham s6 nay 1a y =2 chtt khong phai 1.

Tiép theo ta chi can xét hai phwong an A va D. Ta xét tinh déng bién nghich
bién.

O phitong dn A: thi ad —bc=-2-3=-5<0 do d6 ham s6 nghich bién trén timg
khoang xac dinh (thoa man)

Cau 22: Pap an C

Thuc chat day la bai toan tu duy kha don gian, ta thdy dién tich xung quanh cta
khoi lang tru chinh la dién tich cua hinh ch@ nhat khi trai ra, do d¢6 ta chon C.
Cau 23: Pap an D.

Twong tu nhu bai toan 4 ta c6

Ki hiéu géc ¢ 6 trén hinh vé. Ta c6 SA =+/2% + 1% =+/5 . Khi d6

cosp= h_2 &
SA 5 5
Cau 24: Pap an A.
Ta thdy ham I la ham phan thiec c6 ad —bc=2.2 - (—1) 1=5>0 do ddluon
dong bién trén ting khoang xac dinh ctia no.
Ham I la ham bac bon trung phuong nén khong bao gio don diéu trén R .
Ham Il ¢6 y'=3x* +3>0. Do d6 Il ludén dong bién trén tirng khoang xac dinh
ctia no.
Cau 25: Pap an A
Diéu kién —x* +5x-6>0<2<x<3.
Cau 26: Pap an D.
Twong tw nhu cach toi da gidi thiéu vé baAm may ¢ trén thi & day ta cd két qua

nhuw sau:
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CMPLZ O] Math A

2xl1+31 1-3=(2-1)
-4+9i

Ta cé: w=2z —3z,=2(1+3i)-3.(2—i)=2-6+(23+3)i=—4+9i
Cau 27: Pap an C.

Tta c6 y'=4x> —4mx=0c>{ ) .V6&i m >0 thi @6 thi ham s6 cé 3 diém cuc
2 =m

tri, khi d6 ba diém cuec tri cua d6 thi ham s6 [an lwot 1a

A(O;2m+m4),B(\/E;m4 —m? +2m),C(—\/%;m4 —-m? +2m).Khi do

S

ABC —

=m2\/;=4:>mzi/ﬁ.

Cau 28: Pap an B

2 _ 2 _
Taco lim Y"1 _gim 1oL =1, lim Y =L fim— 1oL =1
X X

X+ X X—>+0 X—>—0 X——0 x2

1 1
~d(4;BC).BC=— (2m+m' —m" ~2m +m*) 2:m

= y =1y =-1 lahai tiém can ngang cua d6 thi ham sd.

'2
Ta co lim x -1

x—0" X
Cau 29: Pap an B

Ta nhén thay hiéu s6 cta thé tich cdt sau va trudc khi trat vira tong hop chinh

khong ton tai.

STUDY TIPS

la thé tich vira tong hop da dung. Vay thé tich vira la:
20°4/3

] 20%/3
"4

O day 6. 1a dién

v

v, = 400.10.[n.212 - ] ~1384847,503 (cm’ ) SHIFT STO A.

tich ctia mat day luc giac.
Khi d6 s6 bao dé€ hoan thién hé thong cot duoc tinh bf;mg cong thiee:
A.80%
64000

~18 bao.

Cau 30: Pap an C

Ta cé hinh bat dién déu ¢ hinh vé sau:

Vay hinh bat dién déu c6 6 dinh.
Cau 31: Pap an A.

STUDY TIPS
i 4 boi ¢ . 200 . as 200 LY NoA
Khi con cd boinguocdong 4 ¢4 200=(U—8).t = t=-——.Khid6 E(v)=cv’ . Do clahdng s6 nén dé
thi van t6c cia dong nude v—-8 v—
sé nguoc lai véi van toc ) 2000° ) )
ctia con c4, do d6 van t6c nang lwong tiéu hao it nhat thi f (v) = nho nhdt. Xétham s6 f (v) trén

N T v-8
tong séla v—-8

(5:+)
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III

v

3v* (v-8)-7° 3 _94?
( )2 220022727 £(y) =0 v=12.
(0—8) (0—8)

Cau 32: Dap an B

Ta thé’y E — 3\/5—1.32\/5.33—3\6 — 3\/5—1+2x/§+3—3\5 — 32 — 9

f'(w)=200.

Cau 33: Pap an D
2+0+
240+y o

3+1+z
3

=2
Trong tam G ctia tam giac ABC thudc truc Ox khi 3 = {y
z
0

Cau 34: Dap an C
Ta c6 log ; 50=log , 50 =2log, 50 =2log, (10.5) = 2(log3 10 +log, 5)
32

=2(log, 10 +log, 15-log, 3) =2(a+b-1)
Cau 35: Pap an C
O day ta sé xac dinh toa d6 diém cuc tiéu tir d6 xac dinh vi tri ctia diém dé

thudc goc phan tw tht may.

=0 , NP o o
Tacd y'=3x" —6x=0< * ) . Khi d6 diém A(Z;—l) la diém cuece tiéu cua do
X =

thi ham s6 da cho. Vay A thudc goc phan tw th IV.

Ta c6 cach chia goc phan tu nhu sau: Nguoc chiéu kim dong ho.

Cau 36: Dap an B

Vi cac bai toan dang nay thi ta sé dit z=x+yi(x,y eR). Khi d6 thay vao
phuong trinh dé cho, tir d6 tim méi lién hé gita x, y.

Ta c6 phuong trinh da cho tré thanh
|x+yb+ﬂ=h+yb—%+3|cﬂx+1+y4=h+3+(y—2ﬁ

o (x+1) vy =(x+3) +(y-2) ©2x+1=6x-4y+13
S4x-4y+12=0=x-y+3=0

Cau 37: Pap an B

Nhan thay khi duong thang can tim vudng gdc v6i mat phang (AB C ) tiecla
duong thang nay cing phuong véi vtpt cia mit phang (AB C ) . Mat khac, voi
bai todn cho ba diém thi vtpt ctia mit phang (ABC ) duoc tinh bang tich c6
hwéng cta hai vecto AB va AC. Vay tr day ta viét dugc phuong trinh duong
thang can tim.

Tacé AB=(3;-2;-1); AC=(0;2;-2).

Khi d6 =n(asc) =| AB, AC |=(6,6,6)=6(1,1,1)

Ma trong tam G(l; 1;1) .

x-1 y-1 z-1

Do d6 phuong trinh duong thang can tim la ] .

Cau 38: Pap an B
Thé tich khéi tron xoay khi quay D quanh truc Ox dwoc tinh bang cong thirc:
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> L
1% =nJ.sinxdx:Tc.(—cosx) 2 =n.£—cos§+c050j=n dvtt.
0 0

Cau 39: Pap an A.
z, =1+4i

Giai phuong trinh trén bang may tinh cAm tay ta duoc hai nhiém la { {4
z,=1-4i
Khi d6 |z,| +|z,|=2v1+ 4% =2V17

Cau 40: Dap an B

' ' 2
y =(1082017 (xz +1)) zm

Cau41: Pap an A

Ta thdy day la bai toan go diém boi V = %.B.h ma dé da cho dién tich day va
3
chiéu cao, do dé V = l.l.a.a.Za _4
32 3

Cau 42: Dap an B.

Tuong tw nhu bai 37 thi ta tinh dugc vtpt ctia mat phang (P) nhu sau:

Tacé AB=(2;3;0), AC =(2;0;-3). Khi d6 vtpt ctia (P):

n= [E, A—C} = (—9; 6; —6) . Ta thdy hai mat phang vudng géc véi nhau thi hai
vtpt ctia mét phang d6 vudng goc véi nhau, ma & day chi c6 mat phang &

phuwong an B thoa man diéu kién do.
Cau 43: Dap an C.

: :
Taco I = dx=_[x df
0 COS™ X 0 Cos”x
u=x=du=dx TG
bat dx , khidotacd I=x.tanx 4—_[tar1xdx
vdv=———=v=tanx 0 0
Ccos” x
i i T
sin x 1 T —
=E—j dx =E+I d(cosx) =—+ln|cosx| 4
4 {cosx 4 {cosx 4 0

Cau44: Pap an C

Nhan thay khi chia duwong tron thanh 8 phan thi goc ¢ tam AIB = % = g .
Khi d6 ap dung dinh ly ham sd cos cho tam giac AIB ta c6
AB? = AI” + IB* - 2.IA.IB. Cosg =400 (2 - \/E)
Ma AB=AH =400(2-2).
; Vi tam gidc AMH vudng can tai M nén AM = HM = % ~10,2(2-2).
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STUDY TIPS
S6 cac chit s6 ding trude
dau phdy cua s6 x =1 bat
ki la:
N= [log x] +1

Khi d6 thé tich hinh hop 1a

V=10 /2.(2—\5).400(2—ﬁ)=4000(2—\5) 4-22

Cau 45: Pap an C
V6i A: ta bam may thay dung, tuy nhién t6i ¢d thé giai thich nhu sau:
1 1
J.sin(l —x)dx= Isin xdx . Dat 1-x =t Khi d6 d6i can thi VT cua phuong trinh tré
0 0
0 1
thanh —_[ sintdt = _[ sintdt = VP, vay A dung.

1 0

Vi B ta cé : Dat t:%:dt:%dx.f)()’icén:

x‘o “

t 0

A

T

n 2
Jsinfdx = 2Isin tdt . Vay B dung.
0 0

Véi C, bAm mady tinh ta thdy két qua khong diang, do d6 ta chon C.

Cau 46: Pap an D.

Ta c6 cong thire tinh s cac chit sd ding trudc ddu phdy ctia s6 x =1 bat ki la
N=n+1=[logx]+1.

That vay ta di chitng minh nhu sau:

Vi 10" 1a s6 ty nhién bé nhat c6 n+1 chit s6 nén s cac chit sd ding trudc ddu
phdy ctia x bang n+1 khi va chi khi 10" <x<10™", tcla n<logx<n+1,
diéu nay chiing to rang n= [log x].

Ta thdy s8 chit s6 cua a?b™" 1a 973 = [log alzbzmﬂ +1
=[12loga+2016logb]+1 «[12loga+2016logh |=972.

Thtr cac cap gia tri ta thdy D thoa man

Cau 47: Pap an B

Ta thay ¢ day c6 kha nhiéu dir kién, tuy nhién ta cos thé tim dwoc giao diém
gitta A vad bang cach duwa phuong trinh duong thang d vé dang phuong trinh

tham s6 va tham s6 toa d¢ giao diém.

x=1+3t
Tacd d:qy=-1-t .Khid6 I(1+3t;—1-t;~t) la giao diém cuad va AMa I
z=—t

thuécmétphéng (P).Do do1+3t-1-t-t+3=0<t=-3 :>I(—8;2;3) Ta
thay d vudng gdc voi i va ﬁ(p)( 1a vtpt clia mat phang (P) ). Suy ra

x+8 y—-2 z-3
-1 2 -1

Ui = |:;£,;1(P):| = (—1; 2; —1). Khi d6 phueong trinh A c6 dang

x+8 y—-2 z-3

1 2 1]

Cau 48: Dap an B.
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\4

. 1 1 1 In|2x -3
Ta co F(X)ijdxzjamd(zx—:%) =¥+C
Tt day ta thdy A dung.
o , ln|4x - 6| In2+ 1n|2x - 3| )
Vi B ta thay +10:—+10¢F(x),Csa1.

Cau 49: Pap an D.
Dbat a la d6 dai canh cta hinh vudng day, b 1a chiéu cao ctia khéi hop véi
a,b>0 . Khi dé ta c 2a° +4ab =32 < 2a(a+2b)=32<>a(a+2b)=16

Sb= %[E - aj . Khi d6 thé tich ctia khéi hop duoc tinh bz‘?mg cong thirc:

1 1 ) 1
1% =f(a)=5.a2 {——aj =E.a.<16—a )=—Ea3 +8a
4
J3
Ta c6 tong dién tich cac mat ctia khéi hop 1a
Cau 50: Pap an C
Dit log, m=a>0 khi d6 m =2". Xét ham s§ f(x) = ‘x“ —5x2 +4‘ .ta s& xét nhu

Taco f'(a)=—§a2+8:0<:>a: do a>0.Khido Vmax:f(_j

sau, vi day 1a ham s8 chdn nén d&i xting truc Oy. Do vy ta sé xét ham
g(x)=x"-5x" +4 trén R, sau d¢6 14y déi xtmg dé€ vé do thi ham y = f(x) thita
gitt nguyén phan do6 thi phia trén truc hoanh ta duoc (P1 ) , 1ay d6i xiing phan
phia dwdi truc hoanh qua truc hoanh ta duoc (P2 ) , khi @6 d6 thi ham s6
y=f(x)1a (P)=(P,)u(P,). Laclam thi quy ddc gia c6 thé vé nhanh va suy
dién nhanh.

Nhin vao d6 thi ta thady d€ phuwong trinh da cho c6 4 nghiém thi 0<a <%

=1<m<2’
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BE ON LUVEN S0 18

Cau 1: Tap nghiém cuia bat phuong trinh
(2"2'4 —1).lr1x2 <0 la:

A (-2-1)u(L2) B {12}

C. (1,2) D. [1;2]

R o (2m+1)x+3
Cau 2: D6 thi cia ham s6 y=~——~——— o

x+1
duong tiém can di qua diém A(-2;7)khi va chi khi:
A-m=-3 B.m=-1 Cm=3 D.m=1
Cau 3: Diéu kién can va du caa m dé ham so
y=mx* +(m+1)x* +1c6 dung 1 diém cyc tidu la:
A -1<m<0
C. me[—1;+oo)\{0}

B. m<-1
D.m>-1
Cau 4: Phat biéu nao sau day la dung?

—c0Ss2x

A. jsinzxdxz +C;CeR

coSs2x

B. Isiandx= +C;CeR

C. Isin2xdx =2cos2x+C;CeR

D. Isiandx =cos2x+C;CeR
Cau 5: Tap nghiém cta bat phuong trinh:
log(x3 + 25) >log(10x) la:

A. R\ {5} B. R

C. (0;+0) D. (0;5)u(5;+)
Cau 6: Ham s8 nao trong cac ham s6 dwéi day co
d6 thi phu hgp véi hinh vé bén:

A

y

W=

1
A.y=x> B.y=x* C y=Jx D.y=x°
1

Cau 7: Tap xac dinh ctia ham s6 y=x3 la:

A.[0;+0) B.R C. R\{0} D. (0;+)

Cau 8: Cho hinh nén c¢6 chiéu cao bing 3cm, géc
gitta truc va duong sinh bang 60°. Thé tich cua
khéi non la:

A. 9nem®  B. 3nem®  C. 18nem® D. 27nem’
Cau 9: Cho t1 dién ABCD c¢6 hai mat ABC, BCD la
cac tam giac déu canh a va nam trong cac mat
phang vudng goc v6i nhau. Thé tich ctia khéi t
dién ABCD la:

3 3 3 3
A% g & c.z D. 3a
8 4 8 4

Cau 10: Cho hinh chép déu S.ABC c6 day bang a,
gbc gitta duong thang SA va mat phang (ABC )
bang 60°. Goi A’; B’; C’ twong ting 1a cac diém ddi
xung cta A; B; C qua S. Thé tich cua khoi bat dién
cO cac mat: ABC; A'B’C’; A'BC; B'CA; C’AB; AB’C’;
BC'A’; CA’B’ la:

Ve’

2434° 432

A. 234 B. C. D.
2 2 2
Cau 11: Phét biéu nao sau day la dung?
(x2 + 1)

A. j(x2+1)dx=T+c;ceR
(

3 2 3
D. (xz +1)dx=x—+i+x
5 3
Cau 12: Ham s6 nao trong cac ham s6 duwdi day cd
do6 thi phu hop véi hinh vé bén:
N

y
2

_—
N

C.y=log ; x
Cau 13: Cho cac s0 thuc a,b,c théoa man

{—8+4a—2b+c>0

A y=¢ B.y=e"

D. y=log,.x

. SO giao diém cua do6 thi ham
8+4a+2b+c<0

s6 y=x"+ax’ +bx+c vatruc Ox la:

A.0 B.2 C.3 D.1
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Cau 14: Mot dam vi trung tai ngay tht t co s6

_ 7000

luong la N(t). Biét rang N'(t)= " va ltuc dau

dam vi trung c6 30000 con. Sau 10 ngay, dam vi
trung c6 khoang bao nhiéu con?

A. 332542 con B. 312542 con

C. 302542 con D. 322542 con
Cau 15: Cho hinh lap phuwong ABCD. A’'B'C’'D’
canh a. Thé tich ctua khoi tit dién ACB’D’ la:

A. a’ B. L C. L D. L

3 6 2

Cau 16: Cho hinh 1ap phuong ¢ canh bang 1.
Dién tich mat cau di qua cac dinh cta hinh lap
phuong la:

A.6m B. 3n Cn D. 2n
Céau 17: Cho ham s6 y=f (x) c6 bang bién thién
nhu hinh bén. S& duong tiém can ngang cua do
thi ham s8 y = f(x)la:

X —o0 +00

1

e
e

A.0 B.1 C.3 D.2
Cau 18: Cho hinh tru c6 cac duong tron day la (O)
va (0’), bén kinh ddy béng chiéu cao va bang a.
Cac diém A; B lan lwot thudc cac duwong tron day
14 (O) va (O’) sao cho AB=+/3a. Thé tich ctia khdi
tk dién ABOO’ la:

3 3 3
AL BL c& D. L
2 3 6

Cau19:Hamsd y = _?193 +mx* —x+1 nghich bién
trén R khi va chi khi:

A. meR\[-1;1]

C.me [—1;1]

B. meR\(-1;1)

D. meR\(-1;1)

Cau 20: Chuyeén ké rang: Ngay xua, c6 dng vua
htta sé thuong cho mét vi quan moéon qua ma vi
quan duwoc chon. Vi quan tau: “Ha than chi xin Bé
ha thuwong cho mot hat thoc thoi a! Cu thé nhw sau:
Ban cO vua c6 64 6 thi vdi 6 thit nhat than xin thém
1 hat, 6 thi 2 thi gdp d6i 6 dau, 6 thi 3 lai gdp d6i

0 tht 2,... 6 sau nhéan sd hat théc gdp do6i phan
thuong danh cho 6 lién trudc”. Gia tri nho nhat
cua n dé€ tong sd hat thoc ma vi quan xin tit n &
dau tién (tte 6 thit 1 dén 6 thit n) 16n hon 1 triéu la:

A. 21 B.19 C.18 D. 20
Cau 21: Cho ala s6 thyc duwong khac 1. Xét hai s6
thuc x,;x,. Phat biéu nao sau day la dtng?

A.Néu a" <a™ thi (a - 1)(x1 - xz) <0

B.Néu a* <™ thi (a—1)(x, —x,)>0

C.Néu a" <a™ thi x, <x,

D. Néu a" <a™ thi x, >x,

Cau 22: Diéu kién can va du cua m d€ ham s
3

y =x?—(m+1)x2 +(m2 +2m)x+1 nghich bién

trén (2;3) la:

A. me[l;Z] B. me(1;2)

C.m<1 D. m>2
Cau 23: Khéi tru c6 thiét dién qua truc la hinh
vudng canh a=2cm c6 thé tich la:

A. 3ncm®  B. 4dnem’
Cau 24: Trong khong gian véi hé toa do Oxyz, cho
cac diém A(O;—Z;—l)vé B(l;—1;2). Toa d0 diém
M thudc doan théng AB sao cho: MA=2MB la:

C. 2rnem®  D. nem®

B. (2;0;5)

D. (-1,-3;,-4)

Cau 25: Cho lang tru ding ABC.A’B’C’ co6 day la
tam giac vudng can dinh A, mdt bén BCC'B’ la
hinh vuéng, khoang céch gitta AB’ va CC’ bang
a. Thé tich cua khéi tru ABC.A’B’C’ 1a:
V24 V24
2 © 3
Cau 26. Ham s0 yzf(x) c6 dao ham

C. 22 D.&

£'(x)=(x~1)"(x~3). Phat bién nao sau day la
dung?

A. Ham s6 c6d mdt diém cuc dai

B. Ham s6 c6 hai diém cuec tri

C. Ham s6 c6 dang 1 diém cuc tri

D. Ham s6 khong cé diém cuc tri
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Céu 27. Cho hinh nén c6 d6 dai duong sinh bang
2 cm, gbc 6 dinh bang 60°. Dién tich xung quanh
cta hinh non la:

A. 6nem®. B. 3nem®  C. 2nem®  D. mem®.

Cau 28. S3 nghiém thuc phan biét cia phuong
trinh 47 -52" +4=0 la:

A.3 B.2 C. 4 D.1
Cau 29. Cho hinh tru c6 ban kinh dwong tron day
bang chiéu cao va bang 2 cm. Dién tich xung

quanh ctia hinh tru bang:
A. 8?ﬂ:cmZ. B. 4ncm®. C. 2rem®  D. 8mem’.

Cau 30. Phat biéu nao sau day la dung?

A. 8?thmz. B. 4nem*. C. 2mem*. D.mem?.

Céau 31. Ham s8 y=log, (—xz +2x) dong bién
trén khoang;:

A.(0;1). B.(1,2)  C.(-oo1) D. (L4)
Cau 32. Cho hinh chép S.ABC c6 ddy la tam giac
vuong tai B, canh SA vudng goc vdi day va
AB=a,5A=AC =2a. Thé tich khéi chép S.ABC la:

3 3 3

A2 g 2B g
3 3 3

Cau 33. Ham s6 nao trong cac ham sd sau c6 bang

bién thién nhw hinh duwéi day

x —0 2

' + 0 - 0 4

SNGS

B. y=2x>+6x"-1.

A y=x"+3x"+1.

C.y=x"+3x"-1 D. y=2x"+9x% -1
Cau 34. Cho hinh chép S.ABCD c6 day la hinh
vudng canh a, SA vudng géc véi mat phang

(ABCD), gbc gitta SB véi mit phang (ABCD)

bang 60°. Thé tich ctia khéi chép S.ABCD la:
AL BL

Cau 35. Mot nguoi giri ngan hang 100 triéu theo

thé thuc 1ai kép, 1ai sudt 0,5% mot thang (ké t

3 3
L c V3l D3
V3 33
thang thi 2, tién 1ai duoc tinh theo phan trdm cta

tong tién c6 dugc thang trude do va tién lai cua
thang trudc do). Sau it nhat bao nhiéu thang,

nguoi d6 cd nhiéu hon 125 triéu?

A. 45 thang B. 46 thang

C. 44 thang D. 47 thang
Cau 36. Tap hop cac gia tri cia m dé€ do thi cua
ham s& y= 2x—1 c6 diung

(ma* —2x+1)(4x + 4m +1)

duwong tiém can la:

A. (~o5-1) U0} U(T4e0) B. {0},

C. @ D. (—o0;—1) U (L40).

Cau 37. Cho cac s6 duong a,b,c,d. Biéu thic

S=InZ+ 1n2+ In<+ 1r1E bang:
b c d a

A1 B.0

D. ln(%+é+£+gj

C. ln(abcd). y
c e

Cau 38. S6 nghiém thuc phan biét cua phuong

1 x 1

trinh 274 +2¢7 =4 1a:

Al B.2 C.3 D.0
Cau 39. Trén khoang (0;+oo), ham s6 y=Inx la
mot nguyén ham cta ham so:

1

A.y:l+C,CeR. B. y=—.
x x

C.y=xlnx—x. D. y=xInx—x+C,CeR.
Cau 40. Tap nghiém cua bat phuwong trinh
1n[(x—1)(x—2)(x—3)+1]>0 la:

A (L2)u(34%).  B. (1;2)(3;+)

C. (—;1)n(2;3) D. (—o;1)u(2;3)
Cau 41. Cho hinh chép S.ABCD c6 day la hinh
thang vuong tai A va D,AB=2a,AD=DC =g,
canh bén SA vuodng goc voi day va SA =2a. Goi
M,N la trung diém ctia SA va SB. Thé tich ctia
khdi chép S.CDMN la:

3 3 3

AL B. L. C. 4. D. L.
2 3 6

Cau 42. Trong khong gian voi hé toa d6 Oxyz, cho
cac diém A(l;—l;l), B(O; 1; —2) va diém M thay
doi trén mat phéng toa &0 (Oxy). Gié tri 16n nhat
ctia biéu thite T =|MA - MB| la:

A 6.  B.J12. C. 14, D. .
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CAu 43. Gid tri 16n nhat cta ham sO
y=sin* x —sin’ x la:

A.0 B.2 C.3 D.-1
Cau 44. Tap nghiém cua phuong trinh
log, (xz - 1) =log, 2x la:

A {“ﬁ} B. (2,4).
2
C.{1-v21+42} D {1+2}

Cau 45. Ngay 1/7/2016, dan so Viét Nam khoang
91,7 triéu nguoi. Néu ti 1é tang dan sd Viét Nam
hang nam la 12% va ti 1é 6n dinh 10 nam lién ti€p
thi ngay 1/7/2026 dan s6 Viét Nam khoang bao
nhiéu triéu nguwoi?
A.104,3 tritu ngroi  B. 103,3 triéu nguoi

C.105,3 tritunguwoi ~ D. 106,3 triéu nguoi

Cau 46. Cho a e [O;g].

Biéu thipc 25 @pces’agsin®acos’a hin o
A. 29 B2 C. e D.4
Cau 47. Cho ham s6 c6 d6 thi & hinh bén. Phat biéu
nao sau day la dung?
y A

--43

\4

)
/
\Q

-2

A. Ham s6 nghich bién trén (—2;0)

B. Ham s8 dat gia tri nho nhat bang 1

C. Ham s6 dong bién trén (—oo; —2) U(O; +oo)

D. Ham s6 dat gid tri 16n nhat tai x=-2.
Cau 48. Tam giac ABC vudng tai B o
AB=3a,BC =a. Khi quay hinh tam gidc d6 xung
quanh duong thing AB mot goc 360° ta duoc
mot khdi tron xoay. Thé tich ctia khéi tron xoay
dé la:

A. nd® B. 3na®

Cau 49. Diéu kién can va dua ctia m dé ham s

mx+5

- x+1
A.m>-5. B.m>-5. C.m>5. D.m>5

Cau 50: Trong khong gian véi hé toa d6 Oxyz, cac

diém A(1;2;3),B(3;3;4),C(-1,1;2)

dong bién trén ting khoang xac dinh la

A. thang hang va A nam gitta Bva C
B. thang hang va C nam giita A va B
C. thang hang va B nam gitra C va A

D. lIa ba dinh cia mot tam giac
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STUDY TIPS
Xem bang trang 38 SGK co

ban.

PAP AN
1A 2C | 3D | 4A | 5D | 6A 7B 8D 9C | 10C
11C | 12C | 13C | 14B | 15B | 16B | 17D | 18D | 19C | 20D
21A | 22A | 23 | 24C | 25A | 26C | 27C | 28A | 29D | 30D
31B | 32B | 33C | 34A | 35A | 36B | 37B | 38D | 39B | 40A
41B | 42A | 43B | 44D | 45B | 46B | 47A | 48A | 49D | 50A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an A.
Diéu kién: x =0
{2"24 -1<0
2
(27 -1)nx* <0 & x>0
{2" “_1>0

Inx* <0

, s 2<x<2

2% _1<0 2% 4 0 x*—-4<0 2<x<-1
o o .
Inx*>1In1

THI1: = <S<lx>1
Inx*>0 x*>1 1<x<?2

x<-1
S P—4>0
THD: 2 1>O<:> X >
Inx*> <0 x? <1
Cau 2: Pap an C.

D6 thi ham s6 da cho la d6 thi ham phan thitc bac nhat trén bac nhat nén sé cd

(loai).

hai tiém can, ta da xac dinh dwoc tiém can diing la x = -1, ma dwong tiém can
dung khong di qua diém A(—2;7) . Do d6 ta di xét ludn dén tiém can ngang la
y=2m+1.

bé duong TCN cta d6 thi ham sd di qua A(—2;7) thi 2m+1=7 < m=3.
Cau 3: Pap an D

Day la bai toan quen thudc ctia cac bai toan lién quan dén cuec tri. Nhan thdy,
v6i m =0 thi ham s8 da cho tro thanh y = x* +1 la ham s bac hai ¢6 do thi 1a
parabol c6 duy nhat mot diém cyee ti€u. Nén m =0 thoéa man. Voi m =0 thi day
la ham s& bac bon trung phuong, ta di tim diéu kién d€ d6 thi ham s ¢6 duy
nhat mot diém cuee tiéu.

V6i m =0 théoa man yéu cau dé bai.

V6i m =0, d€ d6 thi ham s6 da cho c6 duy nhat mét diém cuc tiéu thi

Truwong hop 1: D6 thi ham s6 ¢6 duy nhat mot diém cuyec tri va do6 la diém cue
ti€u khi:

Heé s0 a ctia ham s6 da cho duong va phuong trinh y'=0 c6 duy nhat mot
nghiém.

a=m>0
= <sm>0.
{(m+1)m>0

Truong hop 2: D6 thi ham s6 ¢6 3 diém cuec tri, trong d6 c6 1 diém cuc tiéu va
hai diém cuc dai.

Khi d6 Hé s6 aam va € y'=0 c6 ba nghiém phan biét:
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a=m<0 1
(m+1)m<0<:>m>_

Két hop cac truong hop ta cd m > -1
Cau 4: Dap an A.

STUDY TIPS Ta nhan thé’y;
Isin(ax + b)dx

Véi A: Ta co Isin(ax+b)dx = —l.cos(ax+b)+C .
1 a
= —g.cos(ax+b) +C

Ap dung cong thic trén ta c6 J-sin 2xdx = %cos 2x+C. Vay A dang.

Cau 5: Pap an D.

Diéu kién: x >0

STUDY TIPS

log(x2 +25)>log(10x) & x*+25>10x & 2> -10x+25>0 < (x-5) >0
A’ (x)>0e A(x)=0

Sau khi gidi nhé két hop @xX#S

diéu kién. Két hop diéu kién thi ta duoc x e (0; 5) U (5; +oo) .

Cau 6: Dap an A

Ta chon A luén vi day 1a dang d6 thi ham s6 bac ba khong cé diém cuc tri, ma &
day c6 duy nhdt phuong an A thoa man.

Cau 7: Pap an B.

Nhén thay ham s0 y = x% xac dinh trén R

S Cau 8: Dap an D

Ta c6 hinh vé& mat cat ctia mat phang chita truc ctia hinh nén va vuéng goc véi
mit ddy. O day SH 1a truc ctia hinh nén, SA, SB la cac dwong sinh, Khi d6 goc
gitra truc va duong sinh la HSB = 60°.

Tam giac SHB vudng tai H nén HB =tan HSB tan HSB =3.tan 60° = 31/3 .

Mat khac HB chinh 1a ban kinh ctia hinh tron day khoi nén, do dé thé tich khoi

- 1 1 2
non la: V= 2.Bh= 5.3.(3\@) n=27n
Cau9: Papan C
Ta c6 hinh vé cta tir dién
Nhan xét hai mat phing (ABC) va (BCD) vudng gdc véi nhau c6 BC la giao

tuyeén.

Goi H la trung diém cua BC suy ra AH L BC ( do tam giac ABC la tam giac
déu).
Suyra AH L (BCD) , hay AH la dwong cao cta tit dién ABCD. Mit khac

a3 . 1 1 @V3 a3 o
’ AH:T .Do vay VABCD =§'SBCD'AH=§' 4 T=§ .

Cau 10: Pap an C
Thé tich khdi bat dién da cho la

V= ZVA'B'C'BC

= 2'4VA'.SBC = 8VS.ABC ABC

_s.1scs
3

Ta co: (SA;(ABC)) =SAG =60°. Xét ASGA vudng tai G:
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STUDY TIPS
Khi viéc tinh thé tich cta
khéi dé bai yéu cau qua
khé dé€ thiét 1ap cong thire,
ta nén chuyén huéng sang
cach lam gian ti€p

tanS/AZ? =i—(é <SG = AG.tanS/AZ? =q.

g1 a3 _ 230

ABC '5' : 4 - 3

Vay V =8. SGS

Cau 11: Dap an C.
5

Ta cé I(xz +1)2 dx:I(x4 +2x? +1)dx=x—+zx3 +x+C;CeR.
5 3

Cau 12: Bap an C.

Ta thay d6 thi ham sd nhan truc Oy
Mat khac lim y =—o0 va lim y =+o0. Do d6 day la d6 thi cia ham s6 logarit c6

x—0" X—>+0

co s0 a>1 nén ta chon C.

Cau 13: Dap an C.

Ta thdy —8+4a—2b+c=y(-2)>0 va 8+4a+2b+c=y(2)<0.

Tacod y'=3x> +2ax+b=0 c6 A'=a” —3b
8—-4a+2b-c<0

Miit khéc hé bat phuong trinh <10 < S L pcdh<-16 e b<4
8+4a+2b+c<0

Do b<—-4 nén A'>0, tir day suy ra phurong trinh luén cé hai nghiém phan biét

x,;x,. Matkhac x x, = g < —% nén phuong trinh da cho c6 hai nghiém trai

ddu. bét x, <0<x, khi do (xl;y(x1 )) 13 diém cuc dai, va (xz;y(x2 )) 13 diém
cuec tiéu.
Mat khéc ta c6 y(—2) >0, do ham s6 dat cuc dai tai x,, ma -2 la diém lan can x,

nén y(xl)z y(—2) >0.

Tuong tu thi ta suy ra dwoc y(xz ) < y(2) <0.Suyra y(x1 ).y(x2 ) <0 ,suyra
hai diém cuec tri ctia d6 thi ham s6 nam vé hai phia truc Ox, tir day suy ra d6 thi
ham s6 da cho ludn cét truc Ox tai 3 diém phan biét.

Trén ddy la cdch tw duy suy ludn, khong phai la mot 10i giai chi tiét mot bai toan nén
cich trinh bay khong dwoc ding chudn muec todn hoc.

Cau 14: Dap an B

Ta thdy day 1a dang bai toan tim nguyén ham ma t6i da gioi thiéu ¢ cau 22 dé
s0 2 sach bo dé tinh tay Toan 2017.

J- 7000

Ta co: N —dt = 7000.1n|t + 2| +C . Do ban dau dam vi trung c6 300 000

nén C =300000, den day thay t =10 ta duoc

N(10) =7000.1n12 + 300000 ~ 317394.3465

Cau 15: Pap an B.

Nhin vao hinh vé ta thdy néu di tinh truc tiép thé tich khoi t& dién ACD’B’ la

kha 1au, do d6 ta sé di tim mét cach gian tiép nhu sau:

Taco VACD B VABCD A'B'C'D' VD'ADC - VB'ACB - VCB'C'D' - VAA'B'D' :
1 1 1
Mat khactanhan thdy V., .=V, =Veen =Varsn = g'a‘E'SABCD = ga3
1 a’
Do va =a’ -4 =—.
Y Vieow 6 3
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Cong Pha Toan The Best or Nothing

STUDY TIPS
Cong thttc st dung bén
canh la cong thitc tinh téng
cdp s6 nhan.

Cau 16: Dap an B.
Ta thdy mat cau di qua cac dinh ctuia hinh 1ap phuong c6 duong kinh la duong
chéo ctia hinh lap phuwong. Ma hinh lap phuwong c6 canh la 1, do d6 ap dung

cong thite vé duong chéo khoi hop toi da dwa ra ¢ cac dé trudc thi ta co

d=2R=1* +12 + 1 =J§:>R=§.
2
\/5] =3m.

Khi d6 dién tich mét cau la: S =4nR* =4n. {7
Cau 17: Pap an D.

Nhin vao BBT ta thay lim y =1 va lim y =-1 nén d6 thi ham s6 ¢6 hai TCN 1a
x=Lx=-1

Cau 18: Dap an D.

Ki hiéu nhw hinh vé.

Ta c6 tam gidc A’AB vudng tai A'nén A'B=+AB* - A'A* = a2 .

Tam gidc A’O'Bcd A'O?+0'B* =a”> +a° =24° = A'B* = tam gidc A’O’'B
vuong can tai O". Te dé6suyra O'BL A'O".

Tacd O'BLA'O0'BLO'O nén O'BL(AOO'A') hay O'BL(AOQ') . Nén
tir day ta c6 O’B la duong cao cua khoi tit dién ABOO’. Vay

3
%.O'B.S l..a.l.a.tZ:a—.

a00" =30y 6

1%

ABOO' ~
Cau 19: Pap an C

Tacod y'=—x"+2mx—1.

Nhén thdy ham s6 da cho 1a ham s6 bac ba c6 hé s6 a = —% <0 nén dé& ham s6
da cho nghich bién trén R thi phuong trinh y'=0 v6 nghiém hodc cé nghiém
kép,hay A'=m* -1<0<-1<m<1

Cau 20: Pap an D.

Bai toan tuong tie da xudt hién trong cau 21 dé s6 12 sach by dé tinh ty on thi
THPT QG 2017.

Tt dix kién dé bai suy ra s6 thoc 6 6 thit n sé 1a 2" hat. Vay tong sd thoc tir 6 1
dénodtheenla 1+2+2>+2% +.. 42" :%:2" —1véi1<n<b64;neN

D€ s6 hat thdc 16n hon 1 triéu thi 2" —1>1000000 <> 2" >1000001
n>log,1000001~19,93157 . Vay n=20.

Cau 21: Pap an A.

Voi phuwong dn A: ta thay

Néu 0<a<1 thi x, >x,

Néu a>1 thi x, <x, . Tir day suy ra (a— 1)(9(1 -x, ) <0.Tachon A, vakhong
can xét cac phuwong an con lai.

Cau 22: Pap an A.

Tacd y'=x* —2(m+1)x+m* +2m
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STUDY TIPS
Ap dung céch xét ddu tam
thitc bac hai, trong trai
ngoai cung, 6 day hé s6
1>0, do dé6 trong khoang
2 nghiém thi y'<0

3
béham s6 y :%— (m+1)x* + (m2 + 2m)x +1 nghich bién trén (2;3) thi y'<0
véimoi x e (2; 3) . Ttec 1a khoang (2; 3) ndm trong khoang hai nghiém phuong
trinh y'=0.
m+1) —m* -2m>0  [1>0

. (
{i 2 el -2)<0
b o (xl—S)(x2—3)£0 x1x2—3(x1+x2)+9£0

m* +2m-2.2.(m+1)+4<0  (m*-2m<0 0<m<?2
< < <
m* +2m=32.(m+1)+9<0  |[m’—4m+3<0 [1<m<3

©axx, =2(x, +x,)+4<0

<1<m<L2

Cau 24: Dap an C
Do diém M ndm trén doan AB nén AM =2MB. Tt day suy ra
2x, +x,

xM—xA=2(xB—xM)<:>xM: 3

:%. Chon luén C.
Cau 25: Pap an A.
Ta thay
C'CI|(ABB'A')=d(CC'; AB")=d(CC";(ABB'A"))=d(C";(ABB'A"))=a
Mit khactac6 C'A' L BB;C'A'LA'B'=C'A" L(ABB'A"') =C'A'=a.Khi
d6 B'C'=av2 (do tam giac A’B’C’ vuong can tai A”). Ma BCC'B' la hinh
vuoéng nén chiéu cao hinh lang tru la BB'=B'C'=a\2. Vay
3
1% Lz =22

ABC.A'B'C' :E‘a . 5

Cau 26: Dap an C.
=1
Taco f'(x)=0< * 3" tuy nhién ta thay f'(x) khong d6i ddu khi qua x =1,
X =

do d6 x =1 khong phai la diém cuec tri cia ham s6. Vay ham sd ¢6 dting mét
diém cuctrila x=3.

Cau 27: Dap an C.

Cong thic tinh dién tich xung quanh ctia hinh nén 1a $ =Rl . O day t con thidu
R do d6 ta sé di tim R dwa vao cac dix kién da biét.

Loi giai:

Ap dung dinh Iy ham cos cho tam gidc SAB ta duoc

AB? = SA? + SB* — 2.5A.5B.cos ASB=> AB=+2> +2? ~2.2.2.c0s 60° =2

Ma AB=2R=R=1.Vay S=nRI=n12=2m.

Cau 28: Dap an A.

Xét phuong trinh 4% —5.2% +4=0. Néu dit 2" =a (220) thi phuong trinh da

=4
cho tro thanh > ~5.a+4=0<|" L
a=
Nhan xét véi a=4 thi x* =2<:>x=\/5;x=—\/§
Véi a=1 thi x> =0< x=0 . Vay phuong trinh da cho c¢6 3 nghiém thuc phan
biét.
Cau 29: Dap an D.

Pat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 273



Cong Pha Toan The Best or Nothing

Ta c6 dién tich xung quanh ctia hinh try dugc tinh bang cong thitc
S=2nRh=2n22=8n
Cau 30: Pap an D.

Cong thirc dao ham: (tanx)'=1+tan’ x
STUDY TIPS

(tanx)'= tan®x +1 Vay o day jtanz xdx = J(tanz x+1- l)dx =tanx-x+C.
Cau 31: Pap an B
Diéu kién x4c dinh: —x* +2x>0<=0<x<?2

Xétham s6 y =log, . (—x2 + 2x) o tap xac dinh D = (O; 2)

. —2x+2

(—x2 +2x).1n0,5
In0,5<0

2

dodd y'>0= 2x+2<0&x>1.
-x"+2x>0

Nhén thay {

Vay ham sd da cho dong bién trén (1; 2) .
Cau 32: Dap an B
Tam gidc ABC vudng tai Bnén BC = JAC? — AB? =4a® —i® =a\3

3
Theé tich khéi chép S.ABC 1a V = %%.AB.BC.SA = %.a.a\/g.bz =2 f .

Cau 33: Pap an C

Nhén xét nhin vao BBT ta thdy day la bang bién thién ctia ham s6 bac ba ¢6 hé
sO a>0.

Ham s6 c6 hai diém cuctrila x=-2; x=0.Do d6 x=-2;x=0 la nghiém cta

phuong trinh y'=0.

Ttc y' =0 x(x+2)=0< 1" +2x=0<>3x" +6x=0. Dén day ta loai dwoc B

vaD.

V6i x=0 thi y=-1 do dé chon C.

Cau 34: Dap an A.

Nhén xét: Ta thay do SA la duong cao ctia hinh chép SABCD do d6 hinh chiéu
cua SB lén (ABCD) la AB. Tirday suy ra (SB,(ABCD))=SBA - 60°.

Tam gidc SBA vuong tai A = SA = AB. tan SBA = a.tan 60° = a/3 .

1 a’
ABCD =§.ﬂ 3.a2 =$.

Vay thé tich ctia khéi chép S.ABCD1a V = %.SA.S

Cau 35: Dap an A.
Sau thang thit hai s0 tién nguoi dé c6 trong ngan hang la:

A.(1+0,5%) + A.(1+0,5%).0,5% = A.(1+0,5%)’

Sau théng thit ba, s8 tién ngudi d6 6 trong ngén hang la: A.(1+0, 5%)3

Sau thang thit n sO tién 1ai nhan duoc la:
A.(1+0,5%) =100.(1+0,5%) =125=n=1log,,, ., 1,25=44,74

Do vay sau it nhat 45 thang nguoi do6 sé€ c6 nhiéu hon 125 triéu.
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Cau 36: Dap an B

Ta co:

7. \ \ A g~ 7 2x - ]. _1
V6i m=0 thi ham s6 da cho c6 dang y = =———, trong TH

(—2x+ 1)(4x2 + 1) 4x* +1
-1

\ \ A . _1 . x2 . _1 A AN . \ ~

nay ham s6 ¢6 lim ————=1im ———=0; lim ———=0 . Vay d6 thi ham s
x>0 fy? 4] x>0 4 1 el D |
2

c6 mot tiém can ngang y =0. ( thoa man). bén day ta loai dwoc C va D.
V6i m#0 thi xét phuong trinh
mx® —2x+1=0

(mx2—2x+1)(4x2+4mX+1)=0(*)<:>L2 4 1=0
X" +4mx+ 1=

D€ d6 thi ham s6 da cho c¢6 duy nhat mot tiém can thi phuong trinh (*) vO
nghiém ( do d6 thi ham s6 luén c6 mot tiém can y =0).

1-m<0 m>1
= ) & >med.

(2m) -4<0  [-1<m<1

Két luan: Chi ¢4 m =0 théa man.
Cau 37: Pap an B.
Do g, b, ¢, d la cac sO duong nén cac biéu thiic S xac dinh.

Ap dung cong thiic: Inx + Iny =Inxy ta duoc:

Cau 38: Pap an D

Piéu kién x#0
1 x 1
Tacd 2 #+2¢ " =4 (1)
Véi x<0 thiVT<4,dodd x>0
Ta c6 ap dung Bdt Cauchy thi

1 1 el
X+—22, |x.—=1=2 #*>2" =2,
4x 4x
x 1
Xoloo Bl poiisoog,
4 x 4 x

(vO

N |-

1y))-
Vay phuong trinh da cho VN.
Cau 39: Dap an B.

Ta co (lnx)' =l , do dé6 ta chon B.
x

Chii 1j: Nhiéu ban nham 1an gitta A va B, tuy nhién & day ta di tim biéu thic
dao ham ctia ham s6 y =Inx ch& khong phai tim nguyén ham nén khong c6 C.

Cau 40: Pap an A.
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Tacd didukién: (x—1)(x—2)(x=3)+1>0<x" —6x" +11x-5>0
Khi d6
In[(x=1)(x-2)(x=3)+1]>0e (x~1)(x-2)(x-3)+1>1

I<x<2

o (x-1)(x-2)(x-3)>0< .3 (Théaman diéukién).

Cau 41: Pap an B
Do ¢ day la hinh chép tit gidc khong phai la tt dién nén khong ap dung duoc
cong thiec ti 1€ thé tich. Tuy nhién, néu chia ddy khoi chop thanh 2 phan thi ta

c6 thé 4p dung dé dang.
, 1 1 3,
Taco S,,., =§<AB + CD).AD =E.(2a + a).a =Ea
13
VSABCD :g.EIZZ.Zﬂ = 113 .
, 1 1 2 1
Tacod S, :E.AD.AB :E.Za.a =a’ =§SABCD =, =§SABCD .
2
Voasc = g Visasco
Tt day suy ra (*)
1
Veane = 5 Visaseo
Ap dung cong thikc i 18 thé tich ta c6
\%4 SM SN SC 1 1 12 1
ﬁ =§§§ =Z = Vaune =ZVSABC =Z'§VSABCD =gVSABCD
V. SM SC SD 1 1 11 1
ﬁzg'g'ﬁzzj SMCD :EVSADC :E'E'VSABCD :gVSABCD
N , 1 a’
T day ta co Vo, = EVSABCD = 3

Cau 42: Pap an A.

Nhan xét: A, B nam vé hai phia so véi mat phang (Oxy) , goi B"1a diém dai
xtng ctia B qua mét phang (Oxy) . Khi d6 B'(O,' 1;2) va

|MA — MB|=|MA - MB'| . Goi I 1a giao diém ctia AB’ v6i mt phing (Oxy).
Ap dung bat déng thiic trong tam giac MAB' ta c6 |MA - MB '| <AB' .Dau
bang xay ra khi M =1.Khi d6

|MA—MB|=|MA—MB'|=AB'=\/(1—0)2 +(-1-1) +(1-2) =+6.
Cau 43: Dap an B.
Dat sinx=t¢; te[—l;l]. Xét ham sO y=f(t)=t4 —t* trén [—1;1].

t=0

Khidd y'=f'(t)=4t" -3 =0<| 3
4

Tacs z[wl%cy={f(_1);f(1);f(o);f@

Cau 44: Pap an D.

Diéu kién: x>1.
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x=1+~2(TM)

le—ﬁ(l)

BPT o’ -1=2x<=x*-2x-1=0<

Cau 45: Dap an B

Tt ngay 1/7/2016 dén ngay 1/7/2026 thi dwgc 10 nam, khi d6 s6 dan cta Viét
Nam la: N=91,7.(1+1,2%)" =103,317

Cau 46: Dap an B.

Ta CO, 2sin4a.2cos4a.4sin2mcosza — 25in"’a+cos4a+2.sin2mcosza — 2(sin2a+cosza) — 21 =2

Cau 47: Dap an A.

Nhén thdy A dting, do trén khoang (—2;0) thi do thi ham s8 di xudng, do d6
ham s6 nghich bién trén (—2; O) .

B va D sai vi day 1a ham s& dat cuc tri tai cac diém d6 chit khong phai dat
GTLN, GTNN.

C sai vi ham s8 khong déng bién trén mot tap s6, dién dat lai nhuu sau: “Ham
s0 dong bién trén (—oo; —2) va (O; +oo) J

Cau 48: Pap an A.

Khi quay hinh tam giac ABC xung quanh duong thang AB ta dwoc mot khai
nén tron xoay c6 dinh A, duwong cao AB, ban kinh day R = BC. Vay thé tich

khéinonla V = %.n.BCZ.AB = %.n.az.(?;a) = na’

Cau 49: Pap an D.

s ' m— AN A 3~ A AN AL A \ 5 s .
Taco y'= dé ham s6 da cho luén dong bién trén titng khoang xac dinh

(x+1)2

thi m-5>0< m>5.
Cau 50: Pap an A.
Ta co E:(Z;l;l);Xé:(—Z;—l;—l), tir day ta thay E:—A—C, suy ra Ala

trung diém cua BC.
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Cau 1. Puong thing nao dudi day la tiém can

dung cua d6 thi ham sd y = 2x+1,
x+1
A.x=1. B.y=-1. C.y=2. D.x=-1

Cau 2. D6 thi ciaham s6 y =x* —2x* +2 va d6 thi
ctia ham s6 y=-x*+4 co tat ca bao nhiéu diém
chung?

A. 0. B. 4. C.1. D. 2.
Cau3.Chohamsd y=f (x) xac dinh, lién tuc trén
doan [—2;2:' va c6 d6 thi 1a duong cong trong
hinh vé bén. Ham s& f (x) dat cuc dai tai diém

nao dudi day?

)\y
4
rrrrrrr 2
2 1 *
W
-2
-4
A.x=-2. B.x=-1. C.x=1. D.x=2.

Cau 4. Cho ham s6 y=x"-2x*+x+1. Ménh dé
nao dudi day dung?
A. Ham s6 nghich bién trén khoang [% ;lj.
B. Ham sd nghich bién trén khoang [—oo ,%]
C. Ham s6 dong bién trén khoang [% ;lj.
D. Ham s6 nghich bién trén khoang (1;+oo)
Cau5: Chohamsd y = f(x) xac dinh trén R\ {0},

lién tuc trén moi khoang xac dinh va ¢ bang bién

thién nhuw sau:

x| —w 0 1 +o0
y’ - + 0 _
H-00 2
y \ / \
AN - —

Tim tap hop tét ca cac gia tri ctia tham sO thwe m
sao cho phuwong trinh f (x) =m c6 banghiém thuc
phan bieét.

A.[-1;2]. B.(-12). C.(-L2] D.(—e;2].
x*+3

. Ménh dé nao dudi
x+1

Céau 6. Choham s6 y =

day dung ?
A. Cuyc tidu ctia ham s8 bang -3.
B. Cuc tiéu ctia ham s8 bang 1.
C. Cuc tiéu ctia ham s6 bang 6.
D. Cuc tiéu ctia ham s8 bang 2.

Cau 7. Mot vat chuyén dong theo quy luéat
s=—%t3 +9t?, v6i t (gidy) la khoang thoi gian

tinh tl Itc vat bat dau chuyén dong va s (mét) 1a
quang duong vat di duoc trong khoang thoi gian
d6. Hoi trong khoang thoi gian 10 giay, két ti luc
bt dau chuyén dong, van toc 16n nhat cta vat dat
dwoc bao nhiéu?

A. 216 (m/s). B. 30 (m/s).
C. 400 (m/s). D. 54 (m/s).
Cau 8. Tim tat ca cac tiém can dung cua d6 thi ham
o 2x=1-+x"+x+3
s6 y= -
xX°—=b5x+6
A.x=-3vax=-2. B.x=-3.
C.x=3vax=2 D. x=3.

Cau 9. Tim tap hop tat ca cac gia tri ctia tham s6
thyem d€ham s8 y =In(x* +1) - mx +1 dong bién
trén khoang (—oo;+oo).

A. (—oo;—l]. B. (—oo;—l). C. [—1;1]. D. [1; +oo).
Cau 10. Biét M(0,2), N(2;-2) 1a cc diém cyc tri
ctia d6 thiham s6 y =ax’ + bx® + cx + d. Tinh gia tri
ctia ham sd tai x=-1.

A y(-2)=2 B.y(-2)=22
C.y(-2)=6. D. y(-2)=-18.

Cau 11. Choham s6 y =ax’ +bx* + cx +d c6 do thi

nhu hinh vé bén. Ménh dé nao duéi day dang ?
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A

y

A. a<0,b>0,c>0,d<0. B. a<0,b<0,c>0,d<0.
C.a>0,b<0,c<0,d>0. D. a<0,b>0,c<0,d<0.
Cau 12. V6i cac s6 thye duong a,b bat ki. Ménh

dé nao dudi day dung ?

A. ln(ab) =lna+Inb. B. ln(ab) =Ilna.Inb.

C. lnE=ln—a. D. InZ=Inb-Ina
b Inb b
Cau 13. Tim nghiém cua phuong trinh 3*"' =27. .
A.x=9. B.x=3. C. x=4. D. x=10.

Cau 14. S6 luong cta loai vi khuan A trong mot
phong thi nghiém duwgc tinh theo cong thtic
s(t)=s(0).2", trong d¢ s(0) la s luong vi khuan
A ltc ban dau, s(t) 1a s lwong vi khudn A c6 sau t
phut. Biét sau 3 phut thi s6 lwong vi khuan A la
625 nghin con. Hoi sau bao 1au, ké ti ltic ban dau,
s0 leong vi khudn A la 10 triéu con ?

A. 48 phut. B. 19 phu.

C.7 phut. D. 12 phat.

Céu 15. Cho biéu thtic P =4x3x*Jx*, véix e 0.
Ménh dé nao dudi day dung ?
1 13 1 2

A.P=x2, B.P=x* C.P=x* D.P=x%
Cau 16. V6i cac s6 thue duong a,b bat ki. Ménh
dé nao dudi day dung ?

3

A. log, (2%] =1+3log,a—log,b.

3
B. log, (2%] =1+ %log2 a—log, b.

3

C. log, (2%] =1+3log, a+log, b.

3

D. log, [2%] =1+ %log2 a+log, b.

Céu 17. Tim tap nghiém S ctuia bat phuong trinh
log, (x + 1) <log, (Zx - 1).
2 2

A. S=(2;+oo). B. Sz(—oo;2).

C.S :[1;2)
2

CAu 18. Tinh dao ham ctia ham s&:

yzln(l+ﬁ).

D. 5=(-1,2).

1 1
A.y,=—. B y,:—.
2\/x+1(1+\/x+1) T+x+1

Cy=—>r Dy——?

\/x+1(1+\/x+1) \/x+1(1+\/x+1).
Cau 19. Cho ba s6 thyc duong a,b,c khac 1. D6
thi cac ham s y=a", y=b", y=c* duoc cho

trong hinh vé bén. Ménh dé nao dudi day dung ?

A
y
y=b
y:a‘ y=c
X
(0]
A.a<b<ec. B. a<c<b.
C.b<cx<a. D. c<a<b.

Cau 20. Tim tap hop tat ca cac gia tri ciia tham s6
thye m dé phuong trinh 6" +(3-x)2" —m=0 c6
nghiém thudc khoang (0;1).

A.[3:4]. B.[24]. C.(24). D.(34)
CAu 21. Xét cac sO thuc a,b théaman a >b >1. Tim
gia tri nho nhat P

min

ctia biéu thirc:
2 a

P=log +3log, (—J
: b

B. P =13.
D. P =15.

A. P =19.

C.P._ =14

Cau 22. Tim nguyén ham ctia ham s6:
f (x) =c0s2x.

A. J.f(x)dx=%sin2x+C.
B. | f(x)dx=—%sian+C.

C. If(x)dx=25in2x+C.
D. [ f(x)dx=-2sin2x+C.
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Cau 23. Cho ham s6 f (x) ¢6 dao ham trén doan

[1,2], f(1)=1 va f(2)=2. Tinh I:jf’(x)dx

7
>

Cau 24. Biét F (x) la mot nguyén ham ctia ham s6

A.I=1. B.I=-1. C. I=3. D.I=

f(x)=— va F(2)=1. Tinh F(3)
A. F(3)=In2-1 B. F(3)=In2+1.
C. F(S):%. D P(3)=£.

A.I=32. B.I=8. C.I=16. D.I=4

4 2
Cau 25: Cho jf(x)dx =16. Tinh [ = If(Zx)dx.
0 0

A. =32 B.I=8

4
Cau 26: Biét | dx
3 X +X

C.I=16 D.I1=4

=aln2+bln3+clnb, vdi g,

b, ¢ la cacs6 nguyén. Tinh S=a+b+c

A.S=6 B.S5=2 C.5=-2 D.S=0
Cau 27: Cho hinh thang cong (H ) gidi han boi cac
duong y=e', y=0,x=0va x=In4. Duong
thang x=k(0 <k <In4)chia (H) thanh hai phan
c6 dién tich1a S, va S, nhw hinh vé bén.

A

y /

x\
In4
Timk d€ S, =25,.
2
A. kzglnll B. k=In2
8
C.kzlng D. k=In3

Cau 28: Ong An c6 mot manh vuon hinh elip c6
do dai truc 16n bfmg 16m va do dai truc bé bé“mg
10 m. Ong mudn trong hoa trén mot dai dat rong
8m va nhan truc bé cua elip lam truc d6i xing
(nhw hinh vé). Biét kinh phi d€ trong hoa la

100.000 ddéng/1m*. Hoi d6ng An can bao nhiéu
tién d€ trong hoa trén dai dat d6 ? (S6 tién duoc

lam tron dén hang nghin).

A.7.862.000 dong. B. 7.653.000 dong.
C.7.128.000 dong. D. 7.826.000 dong.
Céau 29: Biém M trong hinh vé bén 1a diém biéu
dién ctia s8 phtrc z. Tim phan thuc va phan do ctia

s phtic z.

v

o) ox

4 M

A. Phan thycla —4 vaphan aola 3.

B. Phan thuc 1a 3 va phan 4o la 4i

C. Phan thyc1a 3 va phéan ao la —4

D. Phan thycla —4 va phan ao la 3i
Cau 30: Tim sO0 phuc lién hop cta s6 phic
z=1i(3i+1).

A z=3-i B. z=-3+i

C.z=3+i D.z=-3-i
Cau 31: Tinh modun cua s6 phtic z thoa man
z(2-i)+13i=1.

A. | 34 B. [z|=34
5434 J34
C. |Z|=T D. |Z|:T

Cau 32: Ki hiéu z;, la nghiém phtic c6 phan ao
duwong ctua phuong trinh  4z° ~16z+17 =0. Trén

mat phang toa d9, diém nao dudi day la diém biéu

B. M, [—%;2)

D. M4(i;l

dién ctia s6 phitc w =iz, ?
A. M, (l;ZJ
2
C. M, [—l;lj
4

Cau 33: Cho s0 phtic z= a+bi(a,b € R) théa man
(1+i)z+2z=3+2i. Tinh P=a+b.

A.P=X B.P=1 C P=-1 D.P=—t
2 2
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Cau 34: Xét sO0 phic z théa man

J10

(142i)z=——-2+i. Ménh dé nao dudi day dang?
z
A.§<|z|<2 B.|z|>2
2
C. <3 D. 2 <f¢|<3

Cau 35: Cho hinh chép S.ABC c6 day la tam giac
déu canh 2a va thé tich bang a°. Tinh chiéu cao h
cta hinh chép da cho

V34 V34 V34

A.h=——B. h=— C. h=—— D. h=+/3

6 2 3 Vaa
Cau 36: Hinh da dién nao dwdi day khong c6 tam
ddi xting ?

A. T dién déu.

B. Bat dién déu.

C. Hinh lap phuong.

D. Lang tru luc giac déu.
Cau 37: Cho t& dién ABCD c§ thé tich bang 12 va
G la trong tam cua tam giac BCD. Tinh thé tich V
cua khéi chop A.GBC

A.V=3 B.V=4 C V=6 D.V=5
Cau 38: Cho hinh lang tru tam giac ABC.A’B’C’
c6 day ABCla tam giac vudng can tai A, canh
AC=22.Biét AC’ tao v6i mit phing (ABC)

mot géc 60° va AC’=4.Tinh thé tich V ctua khoi
da dién ABCB'C’.

Ay 5.v-1
3 3
c. v p. v-163

Cau 39: Cho khéi nén (N ) c6 ban kinh d4y bang 3
va dién tich xung quanh bang 157. Tinh thé tich
V cta khéi nén (N)

A. V=127 B. V=20

C. V=367 D. V=60r
Cau 40: Cho hinh lang tru tam gidc déu
ABC.A’B’C’c6 dd dai canh day bang a va chiéu
cao bang h. Tinh thé tich V ctia khéi tru ngoai tiép
lang tru da cho.

ma*h ma*h

A, V= B.V=

C. V =3za’h D. V =za’h
Cau 41: Cho hinh hop chit nhat ABCD.A’B'C’'D’
c6 AB=a,AD=24,AA’ =2a. Tinh ban kinh R
cua médt cau ngoai tiép tiedién ABB'C’

A. R=3a B.R=% C.R=% D. R=2a

Cau 42: Cho hai hinh vuéng cling c6 canh béang 5
duoc xép chong 1én nhau sao cho dinh X ctia mot
hinh vuéng la tam caa hinh vuéng con lai (nhw
hinh vé bén). Tinh thé tich V cua vét thé tron xoay
khi quay mo6 hinh trén xung quanh truc XY

X
Y
125(1+\/§)7r 125(5+2ﬁ)7r
AV=——T BV-—
125(5+4J§)7z 125(2+\/§)7z
CVeoo — DV ——

Cau 43: Trong khong gian voi hé toa d6 Oxyz, cho
hai diém A(B;—2;3) va B(—1;2;5). Tim toa do
trung diém I ctia doan thang AB.
A. 1(=2;2,1) B. I(1,0,4)
C. 1(2;0;8) D. I(2;-2;-1)
Cau 44: Trong khong gian voi hé toa do Oxyz, cho
x=1
duong thang diy=2+ 3t(t € R). Vecto nao dudi
z=5-t
day la vecto chi phuwong cuia d?
A. u,=(0;3;-1) B. u, =(1;3;-1)

C. u,=(1,-3;-1) D. u, =(1,2;5)
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Cau 45: Trong khong gian vdi hé toa do Oxyz, cho
ba diém A(1,0,0);B(0;-2;0);C(0,0,3). Phuong
trinh nao dudi day la phuong trinh ctia mat phang
(ABC)?

A,£+l+£:1 B,i+1+iz1
3 21 -2 1 3
C,E+l+£:1 D_£+l+i:1
1 -2 3 3 1 =2

Cau 46: Trong khong gian v6i hé toa do Oxyz,
phuong trinh nao dwdi day la phuong trinh cta
mgt cau c6 tam [(1; 2;-1) va ti€p xtic véi mat
phéng (P):x—2y—22—8 =0?

A (x+1)? +(y+2)* +(z-1)=3.

B. (x—1)+(y-2)*+(z+1)* =3.

Co(x=17 +(y-2)+(z+1)*=09.

D. (x+1)?+Hy+2)*+(z-1)* =9.
Cau 47: Trong khong gian voi hé toa do Oxyz, cho

duong thang d:xTH:l 275

3
(P):3x—3y+22+6=0. Ménh dé nao dudi day

va mat phang

ding?
A. d cat va khong vudng géc véi (P).
B. d vuong goc voi (P)
C. dsong song véi (P).
D. dndm trong(P).

Cau 48: Trong khong gian vdi hé toa d6 Oxyz, cho
hai diém A(-2;3;1)va B(5;-6,-2). Duong thang

AB cat mat phang (Oxz) tai diém M. Tinh ti sO

AM

BM
AM 1 g AM _,
BM 2 BM
AM _1 p. AM _4
BM 3 BM

Cau 49: Trong khong gian voi hé toa d6 Oxyz, viét
phuong trinh mét phang (P) song song va cach

.x—2_1_z'

déu hai . iy
-1 1 1

dudong thang d

X
2 -1 A1
A. (P):2x-2z+1=0. B. (P):2y-2z+1=0.

y-1 z-2

C. (P):2x—2y+1=0. D. (P):2y—2z-1=0.
Cau 50: Trong khong gian voi hé toa dd Oxyz, xét
cée diém A(0;0;1); B(m;0;0);C(0;7;,0); D(1;1;1),
véi m>0;n>0 va m+n=1.Biét rang khi m, n
thay doi, ton tai mot mat cau cd dinh tiép xac véi
mit phang (ABC) va di qua d. Tinh bén kinh R

clia mit cau do?

A-R=1 B.R:T C.R:— D. R:—
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STUDY TIPS
Vi @6 thi ham s&
_ax+b

y= thi c6 TCD:
X+

x=—4 ton: y=2
C C

STUDY TIPS
Diém cue dai ctia d6 thi
ham s ndm gitta khoang
dong bién sang nghich
bién.

STUDY TIPS
Véi ham sd bac ba c6 hai
diém cuec tri, néu hé sd
a >0 thi do thi ham sd cd
dang chit N (‘hay c6 hai
khoang déng bién, mét
khoang nghich bién).

STUDY TIPS
V6i ham s8 phan thiee c6
béc tit s8 cao hon bac mau,
ta thuwc hién chia da thic
dé viéc tinh todn dao ham

dé dang hon.

PAP AN
1D | 2D 3B 4A 5B 6D | 7D | 8D | 9A | 10D
11A | 12A | 13C | 14C | 15B | 16A | 17C | 18A | 19B | 20C
21D | 22A | 23A | 24B | 25B | 26B | 27D | 28B | 29C | 30D
31A | 32B | 33C | 34D | 35D | 36A | 37B | 38D | 39A | 40B
41C | 42C | 43B | 44A | 45C | 46C | 47A | 48A | 49B | 50A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.

A A e,  aa e Ls ~ 2 .
Tiém can ding ctia d6 thi ham s y = X la x=-1.

x+1
Cau 2: Pap an D.
D€ tim s6 diém chung cua hai d6 thi ham s6 ta xét phwong trinh hoanh dé giao
diem: x* -2x*+2=-x"+4 ox'-x'-2=0’=2cx=12.
Phuong trinh hoanh d6 giao diém c6 hai nghiém phan biét.
Do d6 d6 hai d6 thi ham s6 da cho c6 tat ca 2 diém chung.
Cau 3: Dap an B.
Nhin vao d6 thi ham s& ta thady ham s6 d6i chiéu tir dong bién sang nghich bién
tai x=-1.Do d6 ham s6 f(x) dat cuc dai tai x=-1.
Cau 4: Dap an A.

D& tim khoang ddng bién, nghich bién cia ham s y=x" —2x* +x +1 ta xét

x=1

3x* —4x+1=0 < 1 . Ham sd da cho 1a ham s6 bac ba c6 phuwong trinh
x==
3

y'=0 c6 hai nghiém phéan biét, ma hé s6 a=1>0. Do d6 d6 thi ham s6 c6 dang

N (meo). Do vdy ham s6 sé dong bién trén [—oo,%] va (1; +oo) , ham s6 nghich

bién trén (% ;1].

Cau 5: Pap an B.

Nhdn xét: S6 nghiém cuia phwong trinh (x) =m la sO giao diém cua do6 thi
ham s6 y = f(x) (C) va d6 thi ham s6 y=m (d) ( cung phuong vdi Ox).

Ta thdy nhin vao BTT thi ham s6 khong xac dinh tai x =0 va gidi han ctia ham
f(x) khi x tién dén 0™ 1a —1. Do vay d€ (C) cét d tai 3 di€m phén biét thi

-1<m<2.
Cau 6: Pap an D.
2 —_ —_—
Taco y=272 o0 s 7P hids y'=1+— 2
x+1 x+1 (x+1)
. , x=1
Giai phuong trinh y'=0<1- =0 .
(x+1) x=-3

Ta thdy ddu cua y' d6i ddu tir am sang duwong khi qua x=1. Do vdy, ham s8
o cuc tiéu la y(l) =2.
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STUDY TIPS
Biéu thitc van toc la dao
ham cta biéu thitc quang
duong, biéu thic gia toc 1a
dao ham cua biéu thirc van
toc (hay dao ham bac hai
cua biéu thiic quang
duong).

STUDY TIPS
Vi cac bai toan tim tiém
can ctia cac d6 thi ham s6
phan thikc, ta nén xét xem
tlr s va mau s6 da tdi gian
hay chua d€ tranh sai [am.

Cau 7: Dap an D.

Phdn tich: Ta c6 biéu thic van tdc la dao ham cua biéu thirc quang duong. Do
dé tr day ta tim duwoc biéu thiee van toc la: v=s' =_?3t2 +18t = f(t)

Bai toan tro thanh tim GTLN cta f (t) trén [0;10].

Loi gidi: Xétham s y = f(t) =_?3t2 +18t trén [0;10] ta 6
y'=f(t)=-3t+18=0<t=6.

Khi d6 I[\%y]cf(t):Max{f(O);f(6);f(10)} = f(6)=54.

Cau 8: Pap an D.

xX#3

Loi gidi: Diéu kién x4c dinh ctia ham s6 la { )
xX#

C2x-1-vx?+x+3 4x* —4x+1-x*-x-3

Tacod y= =
x* —5x+6 (x2—5x+6)(2x—1+\/x2+x+3)
_ 3x* —5x-2 _ 3x+1
(x—2)(x—3)(2x—1+\/x2+x+3) (x—3)(2x—1+\/x2+x+3)

bén day ta c6 limy =lim x+1 =—00; lim y = +oo.

el "‘)37(x—3)(2x—1+\/x2+x+3) =3

Vay d6 thi ham s6 chi c6 mot tiém can dingla x=3.

Phin tich sai ldm: Nhiéu doc gia khéng thuc hién rut gon nhan tir x —2 dan

dén chon hai tiém can dung la x = 2;x =3 la sai.
Cau 9: Dap an A.

Tacod y'= —m . D&ham sd da cho luén dong bién trén khoang (—oo; +oo)

22 +1

thi y'>0 véimoi xeR.

bdt y:g(x):zz—xl; y=m.Taco g(x)Zm v6i moi x khi va chi khi
x°+

m< %ing(x) .bén day ta di tim Min g(x) trén R.

Xét ham so y:g(x): 22x1
x*+

trén R ta co

x=1:g(1)=

Coer2-a 2(¥-1) 1
- - x=—1:>g(—1 =-1

(x2 +1)2 (x2 +1)2

Vay dé thoa man yéu cau dé bai thi m < ]\/{%ing(x) =-1.

g'(x

Cau 10: Pap an D.

Tac6d y'=3ax’ +2bx +c

e o u(2)==2

Do M, N la cac diém cuyec tri cita ham s6 nén '
y'(0)=0
y'(2)=0

284 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem



25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

STUDY TIPS
1. Hinh dang db thi.
2. Vi tri cac diém cuec tri.
3. Khoang d6ng bién,
nghich bién.

STUDY TIPS

m
Ya™ =a™ véi a,m,n la

cac sd nguyén duong

d=2

8a+4b+2c+2=-2
=

c=0

12a+4b+0=0
Khi d6 ta c6 y =x°-3x* +2. Vay y(-2)=-18.
Cau 11: Pap an A.

Phdn tich: V6i bai toan nhan dang d6 thi ham s6, triedc tién ta quan sat nhiing

Sa=10=-3;c=0;d=2

dic diém sau:

1. Hinh dang d6 thi: véi ham bac ba thi 1a cht N hay nguoc lai.

2. Vi tri ctia hai diém cuec dai, cuc tiéu.

Loi gidi: ta thay do6 thi ham s6 c6 dang chit N nguoc, do vay hé s6 a<0. Dén
day ta loai C.

Ta c6 y'=3ax’ +2bx +c . D6 thi ham s6 c6 hai hoanh d6 diém cuc tri nim vé hai
phia ctia truc tung, do vay:

b*> —3ac>0
¢, =¢>0 (do a<0 nén b*>-3ac>0), dén day ta loai D.
—<
a
Chi con lai A va B.
Tiép theo ta c6 thé xét vé vi tri ctia hai di€m 1a nam vé hai phia truc hoanh thi
¥,y, <0. Tuy nhién ta thdy néu xét nhu vay kha la 1au, trong khi ta chi con hai
phuwong an la A va B, va hai phwong an nay chi khac nhau ¢ diéu kién cta b, do

vay taxét b<0 va b>0.
Nhan thdy néu b>0 thi x, +x, :_6—217>0 (théa man, do 2 <0 va nhin vao d6
a

thi ta thdy néu ki hiéu x, <0<x, thi |x,|<|x,| nén x, +x, >0).

Cau 12: Pap an A.

Voi phwong dn A: Ta c6 day la cong thike tong quat ln(ab) =Ina+Inb v4i moi s6
dwonga vab.

Ta chon A va khong can xét dén cac phuong an con lai.

Cau 13: Dap an C.

Xét phuwong trinh 3! =27 <37 =3’ ©x-1=3 < x=4.

Cau 14: Pap an C.

Phdn tich: Ta c6 dé bai cho cong thirc tinh s lwgng vi khudn ¢ thoi gian ¢ va
cho s6 luong vi khuan sau 3 phut, do d6 ta c6 thé tinh dwgc S(O). T day ta
tinh duoc thoi gian khi s6 luwong vi khuan 1a 10 triéu con. Thuyc chat day la bai
toan kiém tra kha nang giai phuwong trinh mt cua hoc sinh.

Loi gidi: Ta c6 5(3)=5(0).2° = 625000 <> 5(0) =78125..

Vay 10000000 =78125.2' < 2" =128 < t =log, 128 =7.

Cau 15: Pap an B.

Ta c6 cong thirc da note 6 bén.

Ap dung cong thtrc trén Tan luot tir trong ra ngoai can ta duoc:

3 7 7 13 13
o 3 4 3 ) B T
P =yxAx*Ax° =\/x.\]x2.x2 =\/x.\/x2 =Vxx23 =\x6 =x2,
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STUDY TIPS
log, % =log a-log b

log, (ab)=log, a+log b

STUDY TIPS
Véi x,y >0
log x<log, y & x<y
khi a>1
log x<log, y & x>y

khi 0<a<1.

STUDY TIPS
Cho ham sd&

y:ax(a>0,a¢1)

1.Véi 0<a<1 thi ham s6

nghich bién trén (—oo ; +oo) .

2.Véi a>1 thi ham sd

dong bién trén (—oo; +oo) .

Cau 16: Pap an A.
Nhan thdy day la bai toan khai trién biéu thitc logarit bang cach st dung cac
cong thitc da note ¢ bén.
3

Loi giai: Ta c6 log, [2%] =log, (2a3 ) —log, b (dén day ta loai B va D).

=log, 2 +log,a’ —log,b=1+3log,a-log,b.

Cau 17: Pap an C.

Phdn tich: Nhan xét day la bat phuwong trinh logarit dang cos6 0 <a = % <1.
Nén ta c¢ 10i giai sau:

Loi gidi: Diéu kién: x > %

logl(x+1)<logl(2x—1) Sx+l>2x-1<x<2.

2 2
~ PR 1
Két hgp vdi diéu kién ta co 5 <x<2.

Cau 18: Pap an A.

1
Ta co (ln(1+m))'=<1+m) = 2Vx+1 = ! .
T+Vx+1 T+Vx+1 (1+\/x?)2\/x?
Cau 19: Pap an B.
Ta c6 ham s6 y =a* nghich bién trén tap xac dinh, do d6 0<a<1, va tir day ta
cling suy ra dwgc b>1;c>1.
Do vay a nho nhét, ta loai C va D.
Tiép theo ta c6 voi x =a thi b* >c¢* < b>c.Dén day tasuy ra a<c<b.
Cau 20: Bap an C.
Vi bai toan nay, ta thdy cac phwong an A va D; B va C khéc nhau ¢ cac diém
dau mut, do d6 ta dé dang thir nhu sau:
Lay mot gia tri m=2,5 thi phuong trinh tro thanh
6" +2—x—§:0<:>2.6" +2"=5.
2 2

Khi d6 nhdm nghiém véi x nam trong khoang (0;1) ta duoc:

r

O] Math

el R
A= 0.34743673
L= 0

Théa man, do vay dén day ta loai luén A va D.

Tiép theo ta chi can xét xem hai diém dau mut c6 théa man khdng bang cach
xét m=2 thi phuong trinh trd thanh 6" +2* -2 =0. Ta nhdm dwgc x =0 khong
thdéa man. Nén ta chon C.

Cau 21: Pap an D.

Trudc tién ta di rat gon biéu thic P:
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Trong tich phan thi

Tf(x)dx = j.f(t)dt

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

T~

\4

2

2log, a

2
P:(ZloguaJ +3log, a—-3log, b= +3log,a-3
b

a
logbg
21 i
=| =228 +3(logba—1)

log,a—1

2
Dt log, b=#(t>0), khi d6 P=f(t)=[t2—tlj +3(t-1) <6

oo Sh(t=1) -2.(t-1)4r  -8t+3(t-1)
= ey

f1(£)=0<t=3.Khidé P, = f(3)=15.
Cau 22: Pap an A.

Ta cé Icos 2xdx = %sin 2x+C

Cau 23: Dap an A.

Taco ij’(x)dx:f(x)f:f(z)—f(1)=2—1=1.

Cau 24: Pap an B.
Tacd F(x j—dx_1n|x 1+Cma F(2)=1<In1+C=1<C=1.

Do vy F(3)=In[3-1+1=In2+1.
Cau 25: Papan B.
Bai toan giong nhu bai toan doi bién.

Néu dit t=2x;d6icAn véi x=0—>t=0;x=2 > t=4
thi 1= f(2x)av=1] f(ax) 2av= 1] f(1)ar=1 16 =5.
0 2 0 2 0 2

Cau 26: Dap an B.

dx t 4
Ta cod Ix +x_~[ x+1 J.(x 11 J (ln|x|—ln|x+1|)3

=In4-In5-In3+In4=-In3+4In2-In5 = a+b+c=-1+4-1=2.

Cau 27: Pap an D.

Nhin vao hinh vé ta c6 duoc cac cong thirc sau:

k In4
=2.¢"

0 k

In4

je"dx 2_[ efdx < e e’ =2 -2 =< 3¢" =9

o =3ok=In3.

Cau 28: Pap an B.

Nhén thay day 1a bai toan ap dung ing dung cta tich phan vao tinh dién tich
hinh phéng. Ta ¢6 hinh vé bén:

Ta thay, dién tich hinh phang can tim g&p 4 Tan dién tich phan gach chéo, do d6
ta chi can di tim dién tich phan gach chéo.
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2 2
Ta co phuong trinh dwong elip da cho la g—z + }é_Z =1. Xét trén [O; 4] vay>0

thi y = 2\/8 “x? . Khidé S,

4
= I 2\182 —x*dx, vay dién tich trong hoa ctia 6ng
0

4
An trén manh dat1a S = 4.'[%\/82 —x*dx = 76,5289182
0

@
45
|22 87 57
76, 5269182
Khi d6 s6 kinh phi phai tra cia 6ng An la 76,5289182.100000 ~ 7.653.000 dong.
Cau 29: Pap an C.

STUDY TIPS DoM (3; —4) nén s6 phtrc z c6 dang z = 3—4i. Vay phan thuce cta z 1a 3 va phan
S6 phtic
z=a+bi(a,beR) 6

Math A

aola —4.

. . Céu 30: Dap an D.

phan thuee la a, phan ao la b. _

Tacd z=i(3i+1)=3"+i=-3+i=z=-3-i.

Céu 31: Dap an A.

Taco 2(2-i)+13i=1 &z =112 o, (18-0)(2+i) 2741
2—1 5 5

- [%j +[%] _ %,

Céau 32: Dap an B

z:2+li
Ta c6 phuong trinh < =z
z=2—-—i
2

Khi @ w=2i+li2 =—l+2i:>M —1;2 .
2 2 2

Cau 33: Bap an C.
Khi d6 phuong trinh dé bai cho tuong duwong véi
(1+i)(a+bi)+2(a—bi)=3+2i < a+bi+ai+bi’ +2a—2bi—3-2i=0

& (a+bi® +2a-3)+(b+a-2b-2)i=0 < (3a-b-3)+(a~b-2)i=0

1
@{3a—b—3=0® 2 =a+b=-1.
a-b-2=0 | _ 3
2
Céu 34: Dap an D.
(1+2i)|z|:@—2+i <:>(1+2i)|z|—i(1+2i):@—2+i—i(1+2i)
4 4
Al ) Y10 ol N10 . _J10
<:>(1+21)(|z|—1)—7 <:>|z|—1+21.|z|—212_7 ©|z|+2+z(2.|z|—1)_7
= e+ 2 (2 =% " 5(|z|2+1)=% =1,
z z
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Cau 35: Dap an D.
Ta c6 cong thikc tinh thé tich ctia khdi chép da cho 1a
1 1 \/5 2
V=_Bh=-""(2) h=d > h=a3.
3 3 4 ( )
Cau 36: Dap an A

Dé dang thay bét dién déu, hinh 1ap phuwong va lang truc luc gidc déu cé tam ddi

xtng. Con t& dién déu khong cd tam doi xing.

Cau 37: Dap an B.

Phdn tich: Ta thy hai khoi chop ABCD va AGBC c6 chung chiéu cao la
khoang cach tir A dén mat phang (BCD), do vay d€ tinh khoi chép AGBC thi ta

tim ti 1€ thé tich gitra hai khoi chdp, tie la tim ti 1€ dién tich gitta tam giac BCG

va tam gidc BCD.
- d(G;BC
Loi giai: Do G la trong tam tam giac BCD nén ta dé suy ra duoc u = l
d(d;BC) 3
1% S
Khi d6 —2<< = —SBGC 1 =V, e = % =4 .
ABCD BCD

Cau 38: Pap an D.

Phdn tich: Nhu da tiing cha y ¢ cac dé ma tdi giai lan trude, voi nhitng bai toan
tinh thé tich khéi da dién qua kho d€ thiét 1ap cong thikc tryc ti€p, ta sé tinh
béng cach gian tiép. O day véi bai toan nay, dé tinh thé tich khéi da dién
ABCB’C’ ta 1ay hiéu gitra thé tich khéi lang tru ABCA'B'C' va khéi chép
AA'BC.

Loi gidi: ké C’H vudng géc véi mit phang (ABC). Khi d6 C’H 1a dudng cao

ctia khGi lang try ABC.A'B'C". (AC',(ABC)) =60°=C"AH..
Tam gidc AC’H vudng tai Hnén C'H = AC'.sinC' AH = a.sin60° = 24/3 .

2
Khid6 V., e =SABC.C'H=%.(2x/§) 2/3=8/3

1
Viawe =§

1%

ABC.A'B'C"”

dovay V,

BCB'C'

:§V _16V3

*" ABC.A'B'C' 3
Cau 39: Pap an A.

Ta c6 cong thizc tinh dién tich xung quanh cta khéi nén la:
S=nRI=151=1=5.Khi do chiéu cao cua khoi chop la

h=vI?—R? =5* 3% =4 :V:%.n.32.4:12n.

Cau 40: Pap an B.
DPdy cta khoi tru chinh 1a duong tron ngoai ti€p tam giac déu ABC.

a3

Vay ban kinh ctia duong tronla R = 5 Khi d6 thé tich ctia khoéi tru la

2
2
V=n.[§} .hzmh.

3
Cau 41: Dap an C.
Phdn tich: Goi I la trung diém cua AC’. Giéng nhu trong sach bo dé tinh tay toi
da gidi thiéu cach tim duong kinh ctia mat cau ngoai tiép khdp chép bang cach
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tim mot canh nhin cac dinh trong khéi chép dwdi mdt goe 90°. O day ta cb

A e
D ABC'= AB'C =90°.
j C Loi giai: Tam giac ABC’ vudng tai B 6 I la trung diém cua AC" = [A=IC' = IB.
] o ]
" Tuong tu voi tam giac AB’C’ ta cting c6 [A=IC'=1B".
I D’ SuyraIA=IC'=IB=IB'=£=R,
c 2
Tam gidc AA’C’ vudng tai A’ nén ta cd
AC':\/AA'Z—FA'CZ :\/4a2 +g2 +4g2 =3a :>R=£:%,

Cau 42: Dap an C.
Khi quay xung quanh truc XY ta dugc vat thé tron xoay ¢ bén:
Phén tich: Khi quay quanh truc XY thi thé tich khéi tron xoay thu duwgc chinh

la tong cua ba khdi: khéi tru phia trén cting, khéi nén cut 6 gitra, va khéi non &

dwdi cung.
Loi giai:
2
1.Thé tich khdi try Ia: V, = . Gj 5= 1245“

Ta thay khoi non cut c¢6 ddy nho chinh la day ctia khéi try, day 16n la day ctaa
khoi non, goi day nho lar, day 16n 1a R. Khi d6 r = g va R= # .

2.Vay thé tich khai nén cut la: V, = g.(B +B'+VBB)= %".(Rz +7* +Rr)

152 ‘1)(&52-2; 5ﬁj.n

3 2 4 4 272
125(2ﬁ_1)
=T
24
2
3.Thé tich khéi nén dudi cting 1a V, =%_5\25 (5\2/5 J o 1??

125.(5+4\5)

Vay thé tich khéi can timla: V =V, +V, +V, = o

Cau 43: Pap an B.

Toa dd trung diém ctia doan thang AB la I (1; 0; 4) .

Cau 44: Pap an A.

Ta c6 phurong trinh tham s6 ctia duong thang c6 vecto chi phurong ;t(a,b, c) va

x=x, +at
di qua diém A(xg;yo;zg) lad:<y=y, +bt (teR).

STUDY TIPS z=z + ct
Mt phéng (P) di qua
A(a,0,0),B(0,b,0),
C(0,0,c) ¢6 phuong trinh:

Vay ¢ day ta suy ra dwoc u= (0; 3; —1) .
Cau 45: Pap an C

Ta c6 phuong trinh mat phéng theo doan chin di qua ba diém A(l; 0; 0),
X y z
—+=+—=1
a b c . x Yy oz
B(0;-2;0),C(0;0;3) la (P): =+——+==1.
(0:-20),C(0:0:3) 1 (P):
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Cau 46: Dap an C.
Loi gidi: M3t cau tam 1(1;2;-1) va tiép xtic véi mét phing (P) thi

1-22-2(-1)-8
R=d(1,‘P)=| - |=3.Khidéphuorngtrinhmét(féu6éntimlé1

Jr+(2) +(2)
(S) : (x—l)2 +(y—2)2 +(z+1)2 =9.
Cau 47: Dap an A.
Phin tich: Duong thang d di qua M(—l; 0;5) va co Vtcp;t = (1,' -3; —1) .

STUDY TIPS Mat phing (P) c6 vtpt 1 =(3;-3;2).
Cho doan théng AB sao cho .
ABA(P)=M .Khidé Ta c6 nu =10 = hai vector nay khong vudng goc nén ta loai phwong an C.
d(A,(P)) AM M ¢ (P) = loai D.
d(B,(P)) ~BM Hai vector nay khong cung phuong nén loai B.

Cau 48: Pap an A

Ta c6 phuong trinh mat phang (Oxz) ty=0
Ap dung hé qua ma t6i da nhédc dén trong sach bo dé tinh tay thi:

3
d(A;(Oxz)) _ AM _ 02 +0%+1 :1
d(B;(0xz)) BM |-6| 2

VO* +0° +1°
Cau 49: Dap an B.
Duong thang d, di qua A(Z;O;O) va c6 vtep uj = (—1,' 1,'1) .
Duong thang d, di qua B(O; 1;2) va co vtcp Z = (2;—1;—1)
e g 2 o M s A ;l 1 ”T
Goi n la vtpt cia médt phang (P) Do (P) song song vOi d ;d, nén { . _
nlu,

== [&1,;2] = (0;1;-1) (dén day ta loai duoc A va C).

Khi d6 (P):2y—2z+k =0.Ta thdy

Ma (P) cach déu hai duong thang d,;d, nén (P) di qua trung diém M(l;% ;1]
ctia AB

2.%—2.1+k:0:>k:1.

Cau 50: Dap an A.

Phdn tich: Néu ton tai mat ciu cd dinh thi ta sé dit tAm va ban kinh ctia mét

STUDY TIPS cau dé la I(ll, b,C) va ban kinh R.
V6i cac bai toan tim yeu t6 Njhapn thay, do mit cAu c6 dinh nén tdm cling c§ dinh va ban kinh ¢§ dinh, ma

a b a b
—+—+c-1 —+1
ban kinh R = d(I;( ABC)) = == S L

1 1 1 1
—+—+1 —+ +1
mZ nZ mZ (1_m)2
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Dé ban kinh R ¢ dinh thi m phai triét tiéu va biéu thic trén rat gon dugc vé
hang s8. Mit khac ta thay trén tir s6 biéu thitc c6 dau tri tuyét ddi, mau s6 la
chtra cén va c6 cac hang tir binh phuong, do d6, d€ ¢6 thé rit tit s6 cho mau sO

thi dua biéu thiic trong ngoac vé dang chinh phuwong. Mat khac ta c6 cong thirc

L1122 22,2 .,
m(m—l)_m—l m m(l—m)_m m-1 m 1-m’ ad
2 2 2
- =0
m(l—m) m l-m
1 1 1 1 2 2 2
P— 1=— 1 =
Suy ra m2+(1_m)2+ m2+(1_m)2+ +m(1—m) P p—
2
=(l+ 1 _]_j
m 1-m
ﬂ+1 +c—1‘
Khi d6 thi d(I,(ABC)) = ml _7111 = R . Hai biéu thirc nay rat gon duoc
m 1—m_1‘
a=1
khi <b=1 =1=(1;1;0);R=1.
c=0

Trén ddy la phan phén tich dé suy ra duoc két qua, sau ddy t6i xin giGi thiéu 10i
gidi:
Goi 1(1;1;0).

Ta c6 phuong trinh mét phang (ABC) la:X+Z4221 . Mam+n=1nén
m n
(ABC):£+ Y 4z=1.Taco
m 1-m
d(5;(ABC))= A— L= " _1-1D

1 1 1 1
\/1712-’-(1—111)2-’-1 ‘m+1—m 1‘

Vay mit cau c8 dinh can tim la mt cau tam 1(1;1;0), ban kinh R=1.

292 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thi tang kem



25 dé cot 16i Toan 12

Ngoc Huyén LB - facebook.com/huyenvu2405

BE ON LUVEN S0 20

Céu 1. Ham sd nao sau day c6 dang hai diém cue
tri?

A.y=x"+3x"+3x+1.B. y:‘x3+3x2+3x+1‘.

2
C.y=x"-2x>+5. X rxtl

D.
x
Cau2.Chohams6 y = f (x) xac dinh, lién tuc trén

R va c6 bang bién thién:

X —o0 -1 1 +00

7

Y + - 0 -

L T

Khang dinh nao sau day la khang dinh ding?

A. Ham s6 khong c6 cuc tri.

B. Ham s6 c6 gid tri cuc dai bang 1.

C. Phuong trinh f (x) =0 c6 hai nghiém phan
biét.

D. Duong thang x=-1 1a tiém can dtng cta
dd thi ham so.
Cau 3. Phuong trinh tié€p tuyén ctia d6 thi ham s6
y =%x3 +x° =2 tai diém c6 hoanh do la nghiém

ctua phuwong trinh vy =0 la

7 11
A. y=-3x+—. B. y=—x+—.
y 3 y 3

1 7
C. y=—x—t. D. y=—x-"_.
Y 3 Y 3

Cau 4. V4i tat ca gia tri nao cua tham s6 thwe m
thi do thi ham s§ y=x’ —(Zm —1)x+2 cit truc

hoanh tai diém c6 hoanh do béng 2?
A.m=3. B.m=-3. C.m=1. D. m=-1.
x=-2
x-1
diém c6 hoanh d6 x =g; (a € R) c6 hé s6 goc la
a=2 B. k=
a-1 (a—l)
-1

(a-1)"

Cau 6. SO duong tiém can cua d6 thi ham so
2x+2017 .,
Y= gy

VX2 +2x+3

A1 B. 2. C. 3. D. 0.

Cau 5. Ti€p tuyén ctia d6 thi ham s6 y = tai

A k=

C. k= D.k=L.
a—1

Cau 7. D& db thi ham s§ y=—"""_ ¢ diing
2x" —ax+2

mot tiém can dung thi tat ca cac gia tri thwc cua
tham s6 m la

17

A.a:i4;a=—?. B.a=%4.

C.a=i4;a=1—7.
2

D.a=4.
Cau 8. V4i tat ca cac gid tri nao cua tham s6 m thi

phuong trinh [x* +3x* —2|=m ¢4 dng 4 nghiém

thuec?
A.O<m<2. B. m>2.
C. m=0. D. m=2.

Cau 9. Trong céc tiép tuyén cta do thi ham s6

4 - N 1A N ,
y =§x3 +4x* +7x+1, tiép tuyén cd hé s gbc nho

nhat ¢6 phuong trinh
A y=7x+1. B.y:?;x—%.
C.y=3x+1. D. y=1.

CAu 10. D6 thi (C ) cho & hinh bén 1a d6 thi caa

ham s6 nao sau day?

y
3 hbo-1__
5/2 F--+-=4-3

2x+1 2x -1

A. = . B, = .
y x—1 y x—1

C _ 2x+1 Cdx+1

T SR

Cau 11. Khi nudi ca thi nghiém trong h6, mot nha
sinh vat hoc thay rang: Néu trén moi don vi dién
tich mat ho c6 n con ca thi trung binh moi con ca

sau mot vu can ndng P(n) =480-20n (gam). S6

ca trén mot don vi dién tich ctia mat ho dé sau mot
vu thu hoach dwoc nhiéu c4 nhat la
A. 10. B. 11. C. 12. D. 13.
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Cau12.Cho a>0 va a#1, x va y la hai s6 thuc

duong. Khang dinh nao duéi day la khang dinh

dung?
A. log, X log_ax .
y log,y
B. logalz 1 .
x log, x

C. log, x =log, a.log, x (b>0, bil).

D. log, (x - y) =log, x—log,y.
Céu 13. Cho a>0. Dang lay thita ctia bi€u thirc

3| 3.3 M
a\a/aa bang:

40 20 40 1

A. ¥ B. a®. C. a®. D. a®.
Cau 14. Tim tap nghiém S cua phuong trinh

3¥.91 =1,
B.sz{l}
2

C.S:{L\@;_H\/g} D.S:{—l—\/g;—1+\/§}.

A.5={0;1}.

2 2
Cau 15. Buong cong trong hinh bén la d6 thi cua
mot ham s6 trong bon ham sd duoc liét ké 6 bon
phuong an A, B, C, D duéi day. Hoi ham s d6 la

ham sb nao?

(C)

Y

A y=2" B. y=2".

C.y=2"+1 D. y=log,x+1.
Cau 16. Rat gon biéu thirc

\/;_\/E+\/;_é/E ta duoc

ot Yot 0

Ada. B . D -4

Cau 17. Cho biét chu ki ban ra cua chat phong xa

A:

pluténi Pu* la 24360 nam (ttic la mot luwong
Pu* sau 2430 ndm phan huy thi chi con lai mot

nita). S phan huay dwoc tinh theo cong thitc

S=A.e", trong d6 A la luong chat phong xa ban
dau, r 1atilé phan huy hang nam (r <0), ¢ 1a thoi
gian phan hay, S la Iwong con lai sau thoi gian

% sau bao

phan huy t. S6 nam dé€ 10 gam Pu
nhiéu ndm phéan huy sé con 2 gam gidn véi gia tri
nao sau day?

A. 5747 (nam).

C. 5748 (nim).

B. 5746 (nam).
D. 5745 (nam).

Cau 18. Cho log,Vx-3=4. Tinh
C =log£(x—3)—log25 Ix-3.

A. C=-44. B. C:g.
3
C.C=%. D. C=4.

Cau 19. Tap xac dinh D cta ham s6

22 +1
= |log. | lo la
y \/ gz( g;(xZH’JJ

A.D=R. B. D=(1;+%).

C. D=(—o0;-1). D. D=[-1;1].
Cau 20. Chohams§ f(x)=¢*"* . Gidtri f*7)(2)
bing

A. & B. 2017°%7 ¢%%,

C. 20162017 65034. D. 2016201665034.

Cau 21. Ham s y= x*Inx cd gia tri nho nhat trén

doan [3;5] bang

A. 25In5. B. 0. C.9In3. D. 4In2.
Cau 22. Cho ham s6 f(x) co f'(x) lién tuc trén
2 o
R va f(0)=a, !dezb, (a,b<R) Gid
tri f(2) la
A. f(2)=d’+b B. £(2)=3a’ +b.
C. f(2)=b-a D. f(2)=b*-d’

—~

Cau 23. Nguyén ham F(x) cua ham s8

la

N a

B ’ o T
f(x)—1+cot x, biét F[ZJ
A. F(x)zcotx+g. B. F(x)z—coterg.

- — r_
C. F(x)— cot x. D. F(x) smx+2 1.
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Cau 24. Ho nguyén ham ctia f(x)=x(x+ 1)2017 la
A J‘f(x)dxzw+
’ 2018
B (x+1)2018 (x+1)2017
B. [ f(x)dx= 2018 2017
) (x+1)2019 (x+1)2018
C. [ (x)dv= 2019 2018
(xz +x)2018
D. J.f(x)dx ZW

Cau 25. Mot vat chuyén dong véi van tdc thay doi
theo thoi gian U(t) =f (t) Quang duong vat di
duoc trong khoang thoi gian tir thoi diém ¢, dén
thoi diém ¢, la

A f()-£(1) B. f'(t,)—f'(t,)-

C. Tf(t)dt. D. }f(t)dt.

Cau 26. Hinh phang giéi han bsi d6 thi ham s3
10 {—x khi x<1

y:—x—xz va y= ) , c6 dién tich 1a
3 x—=2 khi x>1

A.S$=13 (dv.dt). B.S =175 (d.v.d.b).

C.S= % (dv.dth D.S=7(dv.db.

Cau 27. Cho ham s8 y=(x-2) c6 db thi (C),
khdi tron xoay tao thanh khi quay hinh phang giéi
han bdi (C ), truc Ox, truc Oy va duong théng

x=3 céthétichla

34n

C. V:?)ZTR (dvtt),. D.V :% (d.v.t.b).

Cau 28. Mot tai nudce cb trong lwong 10 (N ) duoc
nang tir mat dat lén khong trung voi téc do cd
dinh. Nudc trong tai bi ri ra ngoai khi bat dau
nang vai tdc do ri nede khong ddi. Khi nang dén
dd cao 20 mét thi trong tui khong con nuwdc. Bo
qua trong lwong tui, cong sinh ra khi nang tui
nudc ndi trén tir d6 cao 5 mét dén dd cao 10 mét
c6 do lon la

A.18,75(]). B. 75(]).

C. 31,25(]). D. 25(]).
Cau 29. Cho s6 phtrc z =a+bi; (aeR; beR).Tlm
ménh dé ding trong cac ménh dé sau.

A.z+z = 2bi. B.z—z=2a.
C.zz=a*—b> D. 22| =2l

Cau 30. Cho s6 phttcc z=m+ni #0; (meR;neR)

1
S6 phttc — ¢6 phan thuc la
z

A m B n
'mz_nZ' ° mz_nZ'

c.—" D "
‘m+n* ComP+n?

Cau 31. Goi Ala diém biéu dién cta s§ phiic
z=2+5iva Bla diém biéu dién cta s§ phiic
z'=-2+5i.Tim ménh dé dung trong cdc ménh
dé sau.

A. Hai diém Ava B d6i xting véi nhau qua
truc hoanh

B. Hai diém A va B d6i xting véi nhau qua
truc tung

C. Hai diém A va B d6i xtng véi nhau qua
gbctoado O

D. Hai diém A va B déi xting v6i nhau qua
duong thang ¥ =x
CAu 32. Goi A, B, C la cac diém biéu dién cac s6
phtic 1a nghiém ctia phuwong trinh z° =8 trén mat
phéng Oxy. Dién tich tam gidc ABC la

A. S=24/3. B. S=44/3.
C. S=24/3. D. S=343.

Cau 33. Trong cac s6 phtc z thoa man diéu kién

|z —2—4i| =|z —2i|. SO phttc z c6 médun nho nhat la

A z=2+2i. B. z=2-2i.
C.z=-2+2i D. z=-2-2i.
. ” o (12
Cau 34. Cho s0 phttc z thoa z= 51 . Viét z
+i

dudi dang z=a+0bi, a,beR. Khi d6 tong a+2b

o gia tri bang

A. 10. B. 38. C. 31. D. 55.
CAu 35. S0 khoi da dién déu la
A.2. B. 3. C. 4. D. 5.
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Cau 36. Cho hinh lang tru ABC.A'B'C'. Ti s0 thé
tich cia khoi AA'B'C' va khoi ABCC' la
A 1. B. 1 . C. l D. g
2 3 3
Cau 37. Cho hinh chép tam gidc déu S.ABC o

déy 1a tam giac déu tam G, canh bang 24 . Biét
khoang céch tir G dén mit bén bing % Thé tich

khi chép S.ABC la

J3a

ﬂ3
AvV=" B.V=
3 3
3 3
C.V:\/E;. D.V:\/gza.

Cau 38. Hinh lap phuong ABCD.A'B'C'D' c6
dién tich tam gidc AA'C' bang 224>, Thé tich
khéi lap phuong ABCD.A'B'C'D' I

AV =d. B. V =224°.
a3
C- VZ? D. V=8113.

Cau 39. Hinh nén c6 ban kinh day bang a, goc
gitta duong sinh va mt ddy ctia hinh nén bang
60°. Dién tich xung quanh ctia hinh nén la

2
A. S :2‘/5“” .
)Lq 3

2
2 D.S_=mna’.
xq 3 xq

B.S, =2ma’.

C.S

Cau 40. Chu Luan mudn xay mot bon chira nude
dang khdi hop chit nhat trén nén da cé san va
khong c6 néap tir nhitng vién gach c6 gia 500
dong/1 vién véi chiéu dai, chiéu réng va chiéu cao
[An luot 14 20 cm, 10 cm, 10 cm. Biét chiéu dai,
chiéu rong va chiéu cao ctua khoi hop lan luot la 4
m, 2 m, 2m (hinh vé bén). SG tién ma chti Luan bo

ra d€ mua s6 gach do la

10c /
2m

2m

A
\4

4m

A.580000 dong.
C.295000 dong.

B.751000 dong.
D. 571000 dong.

Cau 41. Cho t¢ dién ABCD c6 ABC la tam giac
vudng can tai A, AB=a.Tam gidc BCD la tam
gidc déu va ndm trong mat phing vudng goc véi
mat phing (ABC ) Thé tich khoi cau ngoai tiép ti
dién ABCD la

4\/87:(13 8\/gna3

A V= B.V= .
27 9
3 3
C. V= 8/6ma D.V =—16Jg“” .
27 27

Cau 42. Mot cai hop hinh tru dwoc lam ra sao cho
mot qua bong hinh cau dat vira khit vao cai hop
d6 (hinh bén). Ti s6 thé tich ctua khdi cau va khoi

tru bang
‘.

A, B.2.
4 3
2

c.2.

2
Cau 43. Trong khong gian vdi hé toa dd Oxyz, cho
ba vecto a=(-11;2), b=(1,-10), c=(-L-11).
Trong cac ménh dé sau, ménh dé nao sai?

A. Jal=+6.

B.a,b]=(2:2,0).

C. @ cung phuong véi b .

D.cLb.
Cau 44. Trong khong gian voi hé toa do0 Oxyz,
phuong trinh chinh tic cia duong thing

x=-3+2t

d:qy=5-3t 1la
z=1-4t
x=-3-2m 3 5 1
Aly=5+3m . . X2V 272
-2 3 4
y=1+4m

.x—3=y+5:z+1 D.x+2:y—3:z—4
2 -3 4 -3 5 1
Cau 45. Cho ba diém: A(2; 1;-1), B(3; 0; 1), C(2; -1;
3), diém D thudc tia Oy va thé tich cta t& dién

ABCD bf?mg 5.Toa do cua D la
A. (0;-7;0). B.(0; 8;0).
D.(O; -7; O); (0; 8; O).

C

C. (0;7;0).
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Cau 46. Trong khong gian vdi hé toa d6 Oxyz, cho

hai duong thing dl:x+7:y_5:2_9,
3 -1 4

x y+4 z+18

d:==—="—"—.
3 -1 4

duong thang d, va d, bang

Khoang cach gitta hai

A.\15. B.20. C.15. D. 25.
Cau 47. Trong khong gian vdi hé toa d6 Oxyz, cho
mit cau  (S):x’+y’+27 +4x—2y-21=0 va
M(1;2;-4). Tiép dién cua (S) tai M c6 phuong
trinh la:

A. 3x+y—4z-21=0 B.3x+y+4z-21=0
C3x-y—-4z-21=0 D.3x+y-4z+21=0
Cau 48. Trong khong gian voi hé toa do Oxyz,
mat phéng (P) di qua diém M (1,1,1) va cit cac
tia Ox, Oy, Oz lan luot tai cdc diém A, B, C sao
cho thé tich ctua t& dién OABC dat gia tri nho

nhét. Phuong trinh mat phang (P) la

A x+y+z=0. B. x+y+z-1=0.
C.x+y+z-3=0. D.2+L4+Z_0.
3 3 3

Cau 49. Trong khong gian vdi hé toa dd Oxyz, cho
diém A(1;1;1) va mat phing (P):2x—y+3z-1=0.
Phuong trinh mdt phang (Q) diqua A, vudng goc
véi mat phang (P) va song song voi Oy la
A.(Q):3x-2z-y=0. B.(Q):-3x+2z+1=0.
C.(Q):-3x-2z+5=0. D.(Q):3x—2z+y—2=0.

Cau 50. Trong khong gian véi hé truc toa do
Oxyz, cho hinh hop chit nhat ABCD.A’B’C’'D’,

biét A(0;0;0), B(4;0;0), D(0;4;0), A'(0;0;b);
(a>0; b>0). Goi M la trung diém canh CC'. Hai

mat phang (A'BD) va (MBD) vudng goc voi
nhau thi ti s& % la

A.—=2. B.

a
b
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DAP AN

1.D 6.B 11.C | 16.D | 21.C | 26.C | 31.B | 36.A | 41.C | 46.D

2.C 7A | 12C | 17.C | 22.B | 27.D | 32.D | 37.B | 42.D | 47.A

3D | 8A | 13.C | 18.C | 23.B | 28.C | 33.A | 38.D | 43.C | 48.C

4.A 9B | 14D | 19D | 24.C | 29.D | 34.A | 39.B | 44B | 49.D

5B | 10.B | 15.B | 20.B | 25.C | 30.C | 35.D | 40.A | 45.B | 50.C

HUONG DAN GIAI CHI TIET
Cau 1. Pap an D.
-Ham s8 y=x" +3x* +3x+1 ¢
y' =3x* +6x+3=3(x+1)" 20,Vx e R nén khong c6 diém cuc tri.
(x+ 1)3

—HémsGy:‘x3+3x2+3x+l‘: c6 1 diém cyc tri x=-1.

-Ham s8 y=x"-2x>+5 c6 3 diém cuctri x=0,x=1,x=-1.

-Hams6 y= meo’ y/—x _1,y =0 x==+1.
x x?
BBT:
—00 -1 0 1 +co
y” - - C +

T~ N/

Ham s6 nay ¢6 2 diém cuc tri: x=1, x=-1

Cau 2. Pap an C.

Dua vao bang bién thién, d6 thi ham s6 cit truc hoanh tai 2 di€ém phan biét nén
phuong trinh f (x) =0 c6 hai nghiém phan biét.

Cau 3. Pap an D.

y:%f+x2—2:>y'=x2+2x:>y"=2x+2.
y”:0<:>x:—1:>y=—§

Tiép tuyén tai diém A(—l ;—gj c6 phuong trinh:

4 7
y=y'(—1)(x+1)—§<:>y=—x—§.
Cau 4. Pap an A.

Db thi ham s6 di qua diém (2;0) nén ta dwoc: 0=2° —(2m—1).2+2 S m=3.

Cau 5. Dap an B.

Taco: y'=

, P SN 1
= Heé s6 gdc tiép tuyén can tim 1a k(a)= .
= goc tiép tuy (a) =

Cau 6. Dap an B.

Ta co:
lim y = lim \/2x+2017 ~ lim 2x + 2017 _5
X +2x+3 x\/1+2+32
X x
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= y =2 la tiém can ngang cta d6 thi ham so.

. . 2x+2017 : 2x+2017
111}‘1y=111}‘1\/ = :1L1}1 =-2
X" +2x+3 —x\/1+2+32
X X

= y=-2 la tiém can ngang ctia d6 thi ham s6.
Cau 7. Dap an A.

bé d6 thi ham s6 ¢6 tiém can dung thi g(x)=2x2 —ax+2 c6 nghiém. Ddt

A=a*-16.
-Xét A=0 < a=4 hoac a=-4.
x+4 x+4
+ta=4: y= =

2x2—4x+2_2(x_1)2'
D06 thi ¢6 dung 1 tiém can dang x=1.
x+4 x+4

ras T a2 o)

Db thi ¢6 dung 1 tiém can ding x=-1.
-Xét A>0 < a>4 hodc a<—4.Khi do6 d6 thi ham s6 c6 dang 1 tiém can dung

néu g(x) cénghiém x = -4 . Diéu nay tuong duong voi 32+4a+2=0<a= —%

(nhén).
Cau 8. Dap an A.
Dat y=f(x)=x"+32"~2 c6 do thi (C) va y=|f(x)|=|[x*+3x*-2| co do thi

(S).

-2

Phuwong trinh |x4 +3x% - 2| =m la phuong trinh hoanh d¢ giao diém cta d6 thi
(Cl) va duong thang d:y =m. Phuong trinh c6 ding 4 nghiém thuc khi va chi
khi (Cl) va d c6 ding 4 diém chung. Dya vao d6 thitacd: 0<m<2.
Cau 9. Pap an B.
y/ =4x* +8x+7. Goi M(xo;yo) e(C), tiép tuyén cua (C) tai difm M 6 hé s6
goc k=y'(x,)=4x2 +8x,+7 =(2x, +2) +323, Vx, eR
k dat GTNN bang 3 khi x, =-1, tiép diém M[—l;—%].
10 1
PTTTtai M la: y=3(x+1)-— < y=3x—=.
' y=3(x+1)-7 @y=3x-3
Cau 10. Pap an B.
Do thi (C) ¢6 TCD1a x=1, TCN 1a y =2 va di qua cac diém (0;1), (%;0} nén

2x -1

(C) 1a d6 thi ham s8 = -
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Cau 11. Pap an C.

Néu trén moi don vi dién tich ctia mat ho ¢ n con ca thi sau mot vy, sO ca trén

modi don vi dién tich mit ho trung binh can nang;:
f(n) = nP(n) =480n — 201" (gam).
Xétham s§ f(x)=480x —20x>; x € (0;+0).
(Bién sd n lay cac gia tri nguyén duong duoc thay thé boi bién sd x 1ay cac gia
tri trén khoang (0; +oo) )-
Taco: f'(x)=480-40x=0= x=12.

Bang bién thién:

—© 12 +00

y 2800

7 T

Tt BBT, trén (0; +oo), ham s6 f dat gia tri 16n nhat tai diém x=12. Tt d6, suy

ra f (n) dat gia tri I6n nhat tai diém n =12.

Cau 12. Pap an C.

Khéang dinh C dting theo tinh ch&t ham s& loogarit.
Cau 13. Pap an C.

Ta coé: \3[ ay am = 3\/ ai/ai/a? = i/ai/g = i/ai/; = i/a.aig = {/E = a%) .
Cau 14. Pap an D.

Tacd: 379 =133 =137 2 =1ax +2x-2=0
<:>x:—1+\/§vx:—1—x/§.

Cau 15. Pap an B.

Do thi (C) qua A(1;2), B(-1;2), cdt Oy tai diém (0;1).

Cau 16. Pap an D.

Ja—Yar_ (Yar3b)(a—4b) Ya(da—h)

&
Jarth Yoo G-t Vo

Cau 17. Pap an C.

Truwdc tién, ta tim ti 1& phan hily hang ndm caa Pu™ .

Ta cd Pu®™ c6 chu ki ban hay 1a 24360 ndm, do dd ta ¢6 5=10.e"**%.

In5-1In10
2430

Vay su phan hty caa Pu® duoc tinh theo cong thitc S = A.e™, trong d6 S

Suyra: r= ~-2,84543.107 ~ -0,000028.

va A tinh bang gam, ¢ tinh bang nam.

1r1i

Theo bai ra, ta c6: 2=10.0 %" o t=— 10 <5748 (nam)
—-0,000028

Cau 18. Pap an C.
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Ta co: logS\/x—3=4©%10g5(x—3)=4<:>log5(x—3)=8.
Khi dé:

, 11 1. 44
C=log (x—?))—log25 Vx -3 =2log; (x—3)—§.510g5 (x—3)=2.8—g.8=?.

Cau 19. Pap an D.

Ham s06 xac dinh khi
X’ +1 x*+1
log, logl[ 2 ?J >0 |log,| 5— |1

2\X T 2\ X" +3 2 +1
2 2 3 >0
logl(x2+;]>0 = x2+;<1 = x2+i .
X+ x*+ +1_1
x2+1 x2+1>0 +3° 2

x2+3>0 X' +3

or’<le-1<x<1
Téap xac dinh: D= [—1;1].
Cau 20. Pap an B.
Ta co: f'(x) = 2017.62017x;f"(x) =2017%¢"""*, bang quy nap ta chitng minh dwoc
£ (x)=2017"¢*"*; VneN'.
Tt d6 suy ra: f°7)(2) = 201727 ™,
Cau 21. Pap an C.
Xétham s8 y=x’Inx trén doan [3;5].
x=0¢ (3;5)
Ta co: y'zx(21nx+1); y'=0& 1
x=e?¢ (3;5)
= y(3) =91In3; y(5) =25In5

= min y=9In3; maxy=25In5
xe[3;5] xe[3;51

Vay miDny=9ln3; mgxy=25ln5.
Cau 22. Pap an B.
2 2
Ta cé: J3f'(x)f2 (x)dx=.|‘3f2 (x)df(x)zf3 (x)‘z =f° (2)—f3 (0)
0 0
Theo gia thiét: f°(2)-f°(0)=b< f°(2)=d’ +b< f(2)=Va’ +b.
Cau 23. Pap an B.

Ta co: F(x)zj.(1+c0t2x)dx=_[ dx=-cotx+C.

sin’® x

Theo gia thiét: F TeZocotlvc=Z5c=L,
2) 2 2 2 2

A - I
Vay F(x)— cotx+2
Cau 24. Pap an C.
Taco: I = f(x)dr=[x(x+1)"" dx.Dat t=x+1 = dt = dx. Khi dé:
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§2019 (2018 ~ (x + 1)2019 (x +1

)2018

(1) #2007 35 _ [ (2018 _ 42017\ 34 _ _ -
I_I(t l)t dt I(t ! )dt 2019 2018 2019 2018

Cau 25. Pap an C.
Mot vat chuyén dong véi van toc thay doi theo thoi gian U(t) =f (t) Quang
duong vat di duoc trong khoang thoi gian tir thoi diém ¢, dén thoi diém ¢, la
tZ
S=]f(t)dt.
tl
Céu 26. Dap an C.

Tim hoanh d¢ cac giao diém: %x—x2 =—x=>x=0; %x—x2 =x-2=>x=3.

Dua vao do thi (hinh bén) dién tich hinh phang can tim la:
1 3
S= I[Ex -x*+ xjdx + J[Ex -x*—x+ 1jdx _13 (d.v.d.t)
3 e 2
Cau 27. Pap an D.
3 2
Taco: V =n [(x - 2)2] dr =" (@v.t).
0 5

Cau 28. Pap an C.

Lwc F (x) dling &€ nang tti nwdc chinh bang trong long ctia nwdc. Tir gia thiét

suy ra F (x) 1a ham bic nhit theo dd cao x cta ti nudc:

F(x):lo{mzsszlo—g (N).

Cong sinh ra:
10

A=1_f1-“(x)dx=1]9(10—§]dx:(mx_xzzj 5

5

=31,25 (N.m)=31,25(]).

Cau 29. Pap an D.

Ta co:

z=a+bi<:>22=az—bz+2abi:‘zz‘=\/(az—l)2)+(2al7)2=az+bz=|z|2
Cau 30. Bap an C.
T 1 1 m n ;
ach—= = - )
z m+ni mt+nt mt+n?
Cau 31. Pap an B.

Ta 6 cac diém c6 toa do (2;5) va (—2;5) biéu dién 2 s8 phtic trén ddi xting qua
Oy.

Cau 32. Pap an D.

Ta co:

2 =82 -8=0c(2-2)(2 +22+4)=0c 2=2vz=-1+3ivz=-1-3i
Khong mét tinh téng quat, diém A(2;0), B(—l;\/g ) ; C (—1; 3 ) biéu dién cac s§

phttc la nghiém ctia phwong trinh da cho.

Ta co:
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\l4

BC=243; d(A;BC)=3=5,,. =%d(A;BC).BC=3\/§.
Cau 33. Pap an A.

Ta c6: Goi z=x+yi (x,yeR) .

Ta co |x—2—4(y—4)i|=|x+(y—2)x|<:>y=—x+4

Do d6 tap hop cac diém biéu dién s§ phiic z la duong thang cd phuong trinh
x+y—-4=0

Mit khac |z|:\/x2 +y° —Jx?+x? —8x+16 =v2x% —8x +16

Hay | =\2(x-2) +822V2 .

Vay |z| <x=2=y=2.Vay z=2+2i.

Cau 34. Pap an A.

Tacod: z=24+7i=>z=24-7i Suy ra a+2b=10.

Cau 35. Pap an D.

C6 5khéi da dién déu 1a cac khdi ti dién déu {3;3}, khéi lap phuong {4;3}, khéi
bat dién déu {3;4}, kh6i muoi hai mit déu {5;3} va khdi hai muoi mit déu
{3;5}.

Cau 36. Dap an A.

1d(A;(A‘B'C')).SA‘B‘C,

VAA'B'C' — 3 ] (1)
34(Ci(4BC)).8

Ta co:

C'ABC
*~ABC

DO S,y =S¢ v d(A;(A'B'C'))=d(C;(ABC))nén (1): Varwe _q

C'ABC
Cau 37. Pap an B.
BC 1L AM

= BC L(SGM).
BC 1SG

Goi M la trung diém BC. Ta co: {

Dung GH L SM = GH L(SBC) = GH =d(G;(SBC)).

Xét ASGM vuong tai G:
1 1 1 1 1 1 1

= + = = - =—=>GS=a
GH> GS* GM? GS* GH®* GM* @’
2
. 1 1 \/5(261) NEYS
Vay Vi ipe ZEGS‘SABC ZEQ'TZT'
Céu 38. Pap an D.
2

Goi AB=t=> AA'=t; A'C'=tJ2. Suyra S, ... :%AA'.A'C': gt :

2
Theo gia thiét: 2t =228 = t=2a.

A 3
Vay VABCD.A'B'C'D' = (2’1) =8a’.
Cau 39. Pap an B.
Goi SA la mot duong sinh. Ta co goc gitta SA va mat day la goc SAO =60
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Xét ASOA vudng tai O:

cosSzél/Bzo—AQSAzo—i\:Za.
SA cosSAO

Vay [=2a=S_ =nrl=2na".
xq
Cau 40. Pap an A.

View =V, -
86 Vlén gaCh l\a hop thuc _ 4.2.2 3,81,82 ~1160 Vlén,
0,2.0,1.0,1

1 vien gach
SO tién 6ng Bao bo ra la: 500.1160 = 580000 dong.

Cau 41. Pap an C.

Ta cé: BC=av2 .

Goi H 1a trung diém canh BC Do (ABC) L(BCD)=> DH 1(ABC).

Do AABC vuodng cannén DH 1a truc duong tron ngoai ti€p AABC (1). Matkhac,
ABCD déunén G latam duwong tron ngoai tiép ABCD (2).
Tk (1) va (2) suy ra G la tam mdt cau ngoai ti€p tit dién ABCD va ban kinh

2 (11\/5) \/5 El\/g

R=GD=-GH=—~—"—= .
C 3 3 2 3

8\/gna3

Vay khdi cau c6 thé'tich la: V = %nR3 =

Cau 42. Pap an D.

6 Goi r 1a ban kinh cta hinh cau. Suy ra, hop hinh tru ¢é ban kinh day r'=r va
chiéu cao h=2r.

Hinh cau c6 thétichla V, = %nrz.
. A 11 2 AV
Hinh try c6 dién tichla V, = hn(r') =2nr°. Vay 71 -
2

Cau 43. Pap an C.

Ta co [&,E] = (2,' 2;0) £0. Vay @ khong cung phuong véi b .

Cau 44. Dap an B.

Duong thang d di qua diém M (—3; 5;1) va c¢6 1 vecto chi phuong la
U= (2; —3;—4) nén iu'= (—2; 3;4) cting la vecto chi phuwong cta d.

x+3_y-5_z-1

Vay phuong trinh chinh tic caa d:
WY PRons 2 3 4

Cau 45. Dap an B.

Vi D thudcta Oy nén D(0;y;0) véi y >0.

Tacé: AB=(1,-1;2),AC=(0;-2;4),AD =(-2;y-1;1)
= | AB,AC |=(0;-4;-2)

y =7 (loai)

v
y=8= M(0; 8; 0)

A

. =%‘[E,E]ﬁ‘ ol2-4y|=30 :[

Cau 46. Pap an D.

Nhan xét réng hai dwong thang d, va d, song song.

304 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thii ting kem



25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405
Goi M(-7;5;9)ed,, N(0;-4;-18) d, .

Ta co W=(7;—9;—27), ;ldz =(3;—1;4) suy ra [m,ﬁdz]=(—63;—109,‘20).

[

Vay d(d,;d,)=d(M;d,)= =25.

z
Cau 47. Pap an A.

Mit cau (S) c6 tm la I(-2;1;0)

Tiép dién cua (S) tai M c6 mot vécto phap tuyén 1a IM = (3;1,-4)

Phuong trinh tiép dién 1a: 3(x—1)+(y—2)-4(z+4)=0 < 3x+y-4z-21=0.
Cau 48. Pap an C.

Gia st A(a,0,0), B(0,b,0), C(0,0,c) v6i a,b,c>0Khi d6 thé tich ti dién OABC

laVv= %OA.OB.OC =%abc .

Phuong trinh mdt phang (P) la: 24 % +2=1.
a c

< Rfabc >3

Vi M &(P) nén 1+1+1=1.Theo BDT Cauchy: 1:1+1+12 3
L a b c Rabc

& abc>27,dau “=" xay rakhi a=b=c=3.

Suy ra minV=2—67=§ khi a=b=c=3.

Vay phuong trinh (P) la: %+%+E:1 <Sx+y+z-3=0.

O8]

Cau 49. Pap an D.

Ta c6 mat phéng (P) co vecto phap tuyén la: ﬁ(P) = (2;—1;3).
Truc Oy c6 vecto chi phuwong la: ;= (0; 1;0) = [ﬁ(l,),ﬂ = (—3;0;2).

Mt phang (Q) di qua A(l; 1;1) va nhan [LTP),;J = (—3; 0;2) lam vecto phap
tuyén.

Phuong trinh mat phang (Q) la: -3x+2z+1=0//0y.

Cau 50. Pap an C.

Mit phang (A' BD) c6 mot vecto phap tuyénla 7, = [ﬁ,ﬂ]

(ab;ab;az).

ab ab
—,—;—a .
2°2

—a4:0<:>a:b<:>§:1.

M3t phang (BDM ) c6 mot vecto phap tuyén la 7, = [Eﬁ,B_AZ]

a’b*  a*b?
+

Ta c6: (A'BD) L (BDM) <> i, i, =0 <
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DE ON LUVEN SO 21

CAu 1: Hinh bat dién déu cd tit ca bao nhiéu
canh?

A. 30 B.8 C.16 D. 12
Cau2:Giasw f (x) la ham lién tuc trén R va cac

s0 thuc a<b <c.Ménh dé nao sau day la sai?

A. jf(xﬁxsz(x)dx+jf(x)dx

BIfx)dx _[fx)dx Ifx)dx
ij x)dx jf x)dx+jf x)dx

b a

D. Icf(x)dx =—cjf(x)dx.

a b

Cau 3: Cho ham s6 yzf(x) 6 lim f(x)=0 va

X—>+0

2

<

2

lim f (x) =+00. Ménh dé nao sau déy la dting?
A. D06 thi ham s6 y = f (x) khong c6 tiém can
ngang.
B. D6 thi ham s6 y= f(x) c6 mot tiém can
dtmg la duong thang y =0.
C. Db thi ham s6 y=f(x)cé mdt tiém cén
ngang la truc hoanh.
D. D6 thi ham s6 y=f (x) nam phia trén truc
hoanh.
Céu 4: Cho ham s6 y=x*(3-x). Ménh dé nao
sau day la dung?
A.Ham sd da cho dong bién trén khoang ( o0; O)
B. Ham s6 da cho dong bién trén khoang (2 +oo)
C. Ham s6 da cho dong bién trén khoang (0 2)
D. Ham s0 da cho dong bién trén khoang (—oo ; 3).
Cau 5: Cho F (x) la moét nguyén ham cua
f(x) =¢>* thda man F(O) =1. Ménh dé nao sau

day la dang?
A. F(x)=§e3"+1. B F(x)=e3"
1, 2 4
C F(x) 383 +§. D F(x)z 383 +§.

Cau 6: Trong khong gian v6i hé toa d6 Oxyz, cho
hai diém M(3;0;0),N(0;0;4). Tinh d6 dai doan

thang MN .
A. MN =10. B. MN =5.
C. MN =1 D. MN =7.

Cau 7: Trong khong gian v6i hé toa d6 Oxyz, cho
mgt phéng (P):—3x+2z—1=0. Véc to phap
tuyén 7 ctia mit phang (P) la

A ii=(-3;2;-1). ii=(3;2;-1).

C. 7i=(-3;0;2). D. ii=(3;0;2).
Céau 8: Diém A trong hinh vé bén 1a diém biéu
dién cta s6 phtec z. Tim phéan thyc va phan ao

ctia sO phtc z .

Yy
A
22 I
|
|
|
1
O 1 3 x

A. Phan thucla -3 va phan ao 1a 2.

B. Phan thuyec 1a 3 va phan ao 1a -2.

C. Phan thuc la 3 va phan ao la -2i.

D. Phan thuyc la -3 va phan ao la 2i.
Cau 9: Cho cac s6 thuc a,b,oc(a>b>0,oc¢1).
Ménh dé nao sau day dung?

a a a a ¢ Ll(X
A. (a+b) =a +b". B. [g] =

a

C.(a-b) =a"-b". D.(ab) =a'd’
Cau 10: Cho hinh chép S.ABCD c6 day ABCD la
hinh binh hanh va c6 thé tich bang 1. Trén canh
SC ldy diém E sao cho SE=2EC . Tinh thé tich
V cta khéi tir dién SEBD .
Av=l Bv=l cv-1
3 6 1

2
Cau 11: Tap x4c dinh ctia ham s& y:(2x—x2 )_n la:

ot

. [0;2].

D. V=E.
3
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Cau 12: Trong khong gian vdi hé toa d6 Oxyz,
cho mét cau (S):x2 +y° +2 —2x+4y—4z-m=0.
c6 ban kinh R=5. Tim gia tri cua m.

A. m=-16. B. m=16.

C. m=4. D. m=-4.
Céu 13: Ham s6 yzf(x) lién tuc trén R va cé
bang bién thién nhu hinh vé bén. Ménh dé nao

sau day la dung?

X —0 1 2 +00
y L
y 3 +00

N

A. Ham s6 da cho c6 hai diém cuec tri.

B. Ham s8 da cho khong cé gia tri cuc dai.

C. Ham sd da cho ¢6 diing mot diém cuc tri.
D. Ham s6 da cho khong c6 gia tri cuc tiéu.
Cau 14: Cho hinh lang tru t& giac
ABCD.A'B'C'D' c6 day ABCD la hinh vudng
canh a va thétich bang 34°. Tinh chiéu cao h ctia

hinh lédng tru da cho.

A.h=a. B.h=3a. C.h=9a. D.h=§.

Cau 15: Cac gia tri ctia tham s& m d€ ham so
y=mx’ —3mx” —3x+2 nghich bién trén R va do
thi cia n6 khong co ti€p tuyén song song vdi truc
hoanh la

A. -1<m<0. B. -1<m<0.

C. -1<m<Q0. D. -1<m<0.
Cau 16: Cho hinh chép S.ABC c6 day ABC la tam
giac déu canh 34, canh bén SC =24 va SC vudng
gbc voi mit phang day. Tinh ban kinh R ctia mat
cau ngoai tiép hinh chép S.ABC.

2a

A. R=— B. R=3a
V3
c r=m13 D. R=2a
2
Cau 17: Cho ham s8 f(x) :ln(x4 +1). Dao ham
f(l) bé“mg
A. ln_2 B. 1. C. l D. 2.
2 2

Cau 18: Cho ham s6 y=x’¢" . nghiém cta bat

phuong trinh y'<0 la:

A. xe(O;Z). B. xe(—oo;O)u(Z;+oo).
C. xe(—oo;—2)u(0;+oo). D. xe<—2;0).
Cau 19: Trong khong gian véi hé toa do Oxyz, cho

hai duong thing d:x—2:y+2:x+l

31 =2
g X-Y"2_ 272 \anh dé nao sau day la
6 2 4
dung?
Adfld B. d=d'

C. d vad’ cdtnhau D. d va d’ chéo nhau

Cau 20: Xét ham s6 f(x)=3x+1+ 3 5 trén tap
X+

D= (—2;1] . Ménh dé nao sau day la sai?

A. Gi4 trj 16n nhét ctia f(x) trén D béng 5.

B. Ham s6 f(x) ¢c6 mot diém cuc tri trén D.

C. Gia tri nho nhat ctia f(x) trén D bang 1.

D. Khong ton tai gia tri lon nhat cta f{x) trén D.
Cau 21: Trong khong gian hé toa do Oxyz, cho
cac diém A(—1;2;4),B(—1;1;4),C(0;0;4). Tim s&
do cta goc ABC.

A. 135°. B. 45°. C. 60°.
Cau 22: Biét ring phuong trinh 271 =3"*! ¢6 hai
nghiém 1a a,b. Khi d6 a+b+ab c6 gi tri bang:

A. -1+2log, 3. B. 1+log, 3.

C. -1 D. 1+2log, 3.

Cau 23: Cho cac s6 thyc a<b< 0. Ménh dé nao
sau day la sai?

A. In(ab)’ =In(a®) +In(b*).

B. ln(\/%):%(lna+lnb).

D. 120°.

C. 1n(ﬂj =Ina|~Inlt|.
b

2
D. 1{%} ~In(a®)—In(®?).
Cau 24: Hinh vé bén la d6 thi cia m§t ham trung
phuong. Gid tri cia m d€ phuong trinh | f (x)| =m

c0 4 nghiém d6i mot khac nhau la:
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\4

x
]
A 3<m<l1 B. m=0
C.m=0,m=3 D.1<m<3
5
Cau 25: Biét rang I 23 dx=aln5+bIn2
1x"+3x

(a,b € Z). Ménh dé nao sau day dang?
A. a+2b=0. B. 2a-b=0.
C.a-b=0. D. a+b=0.
Cau 26: Cho hinh chép déu S.ABCD c6 AC = 24,
mat bén (SBC) tao voi mdt day (ABCD) mot goc
45°. Tinh thé tich V ctia khéi chép S.ABCD.

3
A.V:Z‘E” B. V=d*\2
3 3
cv=%L D.V:”*/E.
2 3

Cau 27: Cho ham s6 y=x" —§x3 —x*. Ménh dé

nao sau day la dung?
A. Ham s0 c6 gia tri cye ti€u 1a 0.
N T oo 2 .5
B. Ham s6 c6 hai gia tri cuc tiéu la . va TS

C. Ham s6 chi ¢6 mot gia tri cuc tiéu.

\ A~ 14 .7 . .« A? N 2 \ .7 .
D. Ham s c6 gia tri cuc tiéu la —5 va gia tri

cwee dai la —i.

48
Cau 28: Trong khong gian voi hé toa do Oxyz,
cho diém M (2;—3;1) va duong thang

:x_+1:y_+2:§ Tim toa d6 dim M' ddi

2 -1
xtng véi M qua A.
A. M'(3;-3;0). B. M'(1,-3;2).
C. M'(0;-3;3). D. M'(-1,-2,0).

Cau 29: Cho ham s8 f(x) lién tuc trén R va

j{ f(x)dx =2. Ménh dé nao sau day la sai?
2
A. i F2x)dx =2 B. i Fx+Ddx=2
-1 -3
C.jf(Zx)dle D.ilf(x—2)dx=1
-1 0 2

Cau 30: Cho s8 phtic z = 1+ +/3i . Khi d6

1 1 3. 1 1 3.
=T B. ==—+—i
z 2 2 z 2 2
cl 1.3, pl 1 43,
z 4 4 z 4 4
Cau 31: Hinh vé bén 1a d6 thi cua ham s6
:ax+b' Ménh dé nao sau day la dung?
cx+d

A

y

o —

’ x

A. bd<0,ab>0. B. ad >0,ab<0.

C. bd >0,ad >0. D. ab<0,ad <0.
Cau 32: Goi z,,z, la cacnghiém phttc ctia phuong
trinh z° +4z+5=0. D&t w = (1 + z1)10 + (1 + z2)100,
Khi do:

A w=2%i B. w=-2"i

C.w=2" D. w=-2%i
Céu 33: Ham s6 y=log,(4" —2" +m) co tap xac
dinh D=R khi:

1

A.m>l B. m>0 C.mz1 D. m<—
4 4 4

Cau 34: Cho hinh hop chi* nhat ABCD.A'B'C'D'
6 AB=AD=2a,AA' =3+/2a. Tinh dién tich toan
phén S ctia hinh tru ¢6 hai day lan luwgt ngoai tiép
hai ddy cua hinh hop chit nhat da cho.

A. S=7na’. B. S=16ma’.

C. S=12na". D. S=20mna’.
Cau 35: Goi S la dién tich hinh phéng giéi han
boi cac duong y=x°, y=2-x va y=0.Ménh dé

nao sau day la dung?
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A.S:ix%lx j(x 2)dx. B. S
0

1

_Z[(x +x- 2)
D.S=£‘x3 —(2—x)>dx

Cau 36: Céc gia tri ctia tham s0 a d€ do thi ham

1 1
C. S=—+_[x3dx
2 0

$6 y=ax++4x> +1 co tiém can ngang la:

A . a=12 B. a=-2 va a=%

C.a=+1 D. a= J_rl
2
Cau 37: Thé tich V' ctia khdi tron xoay tao thanh
khi quay hinh phang giéi han béi cac duong
y=0, y=xyIn(x+1) va x=1 xung quanh truc
Ox la:
5n

Av=2 B. V =Z(12In2-5)
6 6

cv=t D. V="(12In2-5)
18 18

Cau 38: Cho s6 phiic z thoa man 2z = i(;+3).

Modun caa z la:
A. |z|= B. |z| =5.
3f 3\5

D. |Z| = T

Cau 39: Trong khong gian voi hé toa do Oxyz, cho

C.l==-

mat cau (S):x2+ y2+ z2-2x-4y +4z -16=0va

duong thang d : = = ! yT-’-?’ =§ . Mit phang nao

trong cac mit phang sau chtta d va tiép xtc véi
mat cau (S).
A. (P):2x—2y+z-8=0
B.(P):-2x+11y-10z-105=0
C.(P):2x-11y+10z-35=0
D.(P):=2x+2y—z+11=0
Cau 40: Cho o, la céc sd thuce. D6 thi cac ham
s6 y=x*y=x" trén khoang (0;+oo) dwoc cho

trong hinh vé bén. Khang dinh nao day la dtng?

A
Y
y=x"
— 4B
Yy=Xx
. /
I
! A
O 1 x

A.0<B<l<a. B. B<0<1<oa.
C.0<a<1<B. D. a<0<1<p.
Cau 41: Cho d6 thi (C) c6 phuong trinhy = +i

Biét rang d6 thi ham s8 y = f(x) d8i xting véi (C)
qua truc tung. Khi dé f(x)la:

x—2 x+2

o B

A f)==7

x+2

x —_

C fl)=- D. f(x)=
X+
Cau 42: Goi M la diém biéu dién cua s phtic z
thoa man 3|z + i| = ‘22_7— z+ 31". Tap hop tat ca cac

diém M nhu vay la:

A. mét parabol. B. mot duong thang.
C.mot duong tron.  D. mot elip.
Cau 43: Trong nong nghiép beo hoa dau duwoc
dung lam phan bén, no rat t6t cho cay trong. Moi
day mot nhém cac nha khoa hoc Viét Nam da
phat hién ra beo hoa dau c6 thé duoc dung dé
chiét xudt ra chat cé tac dung kich thich hé mién
dich va hd trg diéu tri bénh ung thur. Beo hoa dau
dwoc tha nudi trén mat nede. Mot nguroi da tha
mot luong beo hoa dau chiém 4% dién tich mat
ho. Biét rang ctt sau ding mot tuan beo phat trién
thanh 3 lan lwong da c6 va téc do phat trién cta
béo & moi thoi difm nhu nhau. Sau bao nhiéu
ngay beo sé vira phu kin méat h6?

25

A. 7xlog, 25. B. 37.
C. 7x% D. 7 xlog, 24.

Ciu 44: SO0 nghiém cta phuong trinh
log, |x* - \/Ex‘ =log, <x2 ~2x+ 2) la

A.3 B. 2. C.1 D.4
Cau 45: Cho ham s8 f(x)=x"+x>-2x+3.

Khang dinh nao sau day la dting?

A. Hai phuong trinh f(x)=2017 va
f(x—1)=2017 c6 cung s6 nghiém.

B. Ham s y = f(x—2017) khong co cuyec tri.

C. Hai phweong trinh f(x)=m va
f(x—1)=m—1 cb cung s6 nghiém vo6i moi m.

D. Hai phuwong trinh f(x)=m va

f(x—=1)=m+1 c6 cung sd nghiém véi moi m.
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Cau 46: Cho s0 phirc z théa man |z|=72 va
diém A trong hinh vé bén la diém biéu dién cta
z. Biét rdng trong hinh vé bén, diém bidu dién
cua sd phtc wzé la mét trong bon diém
M, N, P,Q. Khi d6 diém biéu dién ctia s6 phtic o la:

A
Q y
My A
! A
@) x
N
P
A. diém Q. B. diém M.
C. diém N. D. diémP.

Cau 47: Cho hinh lang tru tam giac déu
ABC.A'B'C' ¢6 AB=a, dudng thang AB' tao
véi mit phang (BCC'B') mot gée 30°. Tinh thé
tich V cua khéi lang tru da cho.

26 6

AV = B. V=
4 12
3 3
c.v=3 D.v="
4 4

Cau 48: Cho ntta duong tron duwong kinh

AB=2R va diém C thay d6i trén nita duong

tron dé, dit CAB=o va goi H la hinh chiéu
vuong goc cua C 1én AB.Tim a sao cho thé tich
vat thé tron xoay tao thanh khi quay tam giac
ACH quanh truc AB dat gia tri 16n nhat.

A. a=60" B. a.=45°

C.a= arctani D. a=30°

N

Cau 49: Tai mot noi khong c6 gid, mot chiéc khi
cau dang ding yén 6 d6 cao 162 (mét) so voi mat
dat da duwogc phi cong cai dat cho nd ché do
chuyén dong di xudng. Biét rang, khi cau da
chuyén dong theo phuwong thang ding véi van
toc tuan theo quy luat o(t) =10t -+>, trong dé ¢
(phtt) 1a thoi gian tinh tir lic bat dau chuyén
dong, v(t) duoc tinh theo don vi mét/phut (m/p).
Néu nhu vay thi khi bat dau tiép dat van téc v
cua khi ciu la:

A.v:5(m/p) B.v=7 (m/p)

C.v=9 (m/p) D. v=3 (m/p)
Cau 50: Trong khong gian véi hé toa do Oxyz,
cho hai diém M(-2;-2,1), A(1;2,-3) va duong

. -5
thang d: al ;r L yT = il . Tim vécto chi phuong

U cta duong thang A di qua M, vudng goc véi

duong thang d dong thoi cach diém A mot

khoang bé nhat.
A. u=(2;16).
C. u=(3;4;-4).

B. u=(10;2).
D. u=(2;2;-1).
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STUDY TIPS
Gia st cicham s6 flién
tuctrén Kvaa, b, ¢ laba sd
bat ki thudc K thi

if(x)dx

=;ff(x)dx+':[f(x)dx

STUDY TIPS
Ham s6 bac ba cé hai diém
cuc tri, nfuhésdé a>0 do
thi ham s& sé c¢6 dang N
(meo nho).
Néu hé s6 a <0 thi d6 thi
ham s6 c6 dang nguoc lai.

PAP AN
1D | 2C 3C 4C 5C 6B 7C 8B 9D | 10A
11B | 12B | 13A | 14B | 15D | 16D | 17D | 18D | 19A | 20A
21A | 22C | 23B | 24C | 25D | 26D | 27B | 28C | 29A | 30D
31B | 32B | 33A | 34B | 35C | 36A | 37D | 38A | 39C | 40A
41D | 42A | 43A | 44B | 45A | 46D | 47A | 48C | 49C | 50B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Ta ¢6 hinh bat dién déu nhu hinh bén, nhan thay hinh bat dién déu co tat ca 12
canh.
Cau 2: Pap an C.
Vi la chon ménh dé sai nén ta xét titng phwong an mot.
V6i A: A la ménh dé dung do day la tinh chat caa tich phan.
Vi B: B tuong tu A cung la tinh chat
Gia str cacham s8 flién tuc trén K va g, b, ¢ la ba s6 bat ki thudc K thi

If(x)dx+jf(x)dx =jf(x)dx.
Véi C: Nhan thay C sai do VP = jf(x)dx.

Cau 3: Pap an C.

Ta th&y ham s6 ¢6 lim f(x)=0= dd thi ham s8 c6 mdt tiém can ngang la

duong thang y = 0hay chinh la truc hoanh.
Dbén day ta loai A, B va chon luén C.
Cau 4: Dap an C.

Tacd y'=-3x> +6x=0< *

Taco ti€p y' >0; Vxe (0;2) nén ham s6 dong bién trén (0;2).

* Nhan thay day la ham s6 bac ba ¢6 hai diém cuctrila x=0 va x=2 vacohé

s6 a=-1<0, do vay ham s8 da cho déng bién trén (0;2).

Cau 5: Pap an C.

Tacé F(x):je3xdx:l.e3" +C.Ma F(0)=1, do vay lovicotec=2,
3 3 3

Cau 6: Dap an B.

Do dai doan thang MN duoc tinh bang cong thitc MN =+/3% + 0% +4? =5.

Cau 7: Dap an C.

Tacé n=(-3;0;2).

Cau 8: Pap an B.

Tt hinh vé ta suy ra sd phttc z=3+2i = z=3-2i. Vay s6 phtic lién hop cua s6
phtec z c6 phan thuc la 3, phan ao la -2.

Cau 9: Pap an D.

Ta c6 cac ménh dé A, C sai gidng nhau do thiéu cac hang ti o gitra.
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Ménh dé B sai do (%) -4

Cau 10: Pap an A.

Ta c6 hinh vé bén:
1

BCD 2

day ABCD gdp doi dién tich day BCD.

Mat khac, ap dung cong thic ti s6 thé tich trong hinh chop tam gidc ta co:

Ve SESBSD 2 2, 1, 1

SC SB SD 3 3

Ta thdy V, 1%

s ancp» 90 hai hinh chép nay chung chiéu cao va c¢ dién tich

SBCD — =~ VSABCD — o °
3 3

Vv
STUDY TIPS SBCD
Chi c6 khéi t¢ dién dwoc Cau 11: Pap an B.
4p dung cong thirc t 1¢ the Ta c6 —n la s6 khéng nguyén, do vay ham s da cho xac dinh khi
tich nhu bén. Cho hinh )
chép S.ABC, c6 cic diem 2x-x">0=0<x<2.

A’, B, C’ Tan luot ndm trén Cau 12: Pap an B.

cach canh SA, SB, SC thi , . 5. 12 N2 92 (N _ _
Voro sa' sy se TR0 12 2)o ReI (2 42 (o) =49 =5 & m=16.

Vose SA SB SC Cau 13: Déap an A.

Ta thdy ham s6 da cho c6 hai diém cuc trila x=1 va x =2. Ta thdy mac du dao

ham ctia ham s& khéng ton tai tai x =2, nhung ham s6 van c6 thé dat cuc tidu
tai x =2. Diéu nay da duoc tdi phan tich rat ro trong cuén “Bo dé tinh tiy mon
toan 2017 & cudn Chat loc tinh tily mén toan ndm 2017”.

Cau 14: Pap an B.

Do thé tich ctia hinh lang tru da cho la V = B.h =34® nén chiéu cao cuia hinh

112

lang tru da chola h = 3a.

Cau 15: Pap an D.

Véi m=0 thoa man yéu cau dé bai.

Véi m=0 :

Trudc tién, d€ ham sd da cho nghich bién trén R thi

m<0 m<o m<o
5 = ) = < -1<m<0 .
(—Sm) —3.m.(—3)s0 9m® +9m<0 m>—1

V6i -1<m <0, d€ d6 thi ham s da cho khong c6 tiép tuyén song song voi truc
hoanh thi hé s& géc k= f'(x0 ) #0 véimoi x,, tiec la phueong trinh y'=0 vo
nghiém, vay ta chon D.

Cau 16: Dap an D.

Ké truc dwong tron cta tam giac ABC, 18y giao diém I ciia duwong trung truc
canh SC va truc duong tron, khi d6 I 1a tam ctua mdt cau ngoai ti€p khdi chép
S.ABC. Ki hiéu nhu hinh vé:

Khi d6 IC la ban kinh cia mat cau ngoai tiép khdi chop. Ta c6 IDCG la hinh chi

2
4 {Ba\/g ]
2 N B
2 2 2a 2
nhat, nén IC =+CD? +CG* = SZ + 4(:;\/[ = ( 4) + 5 =2a.
B bén day ta co thé te dua ra cong thikc tong quat cho cac bai sau.
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STUDY TIPS
Nhiéu ddc gia nham lan
gitta cong thirc tinh cos goc
gitta hai vecto va goc gitta
hai duong thing. Géc giita
hai duong thing ludn la
g6c nhon, con goc gitta hai
vecto, cé thé nhon hodc tu,
(do vay trong cong thttc
tinh cos goc gitta hai vecto
khong c6 tri tuyét doi o tw).

Cau 17: Pap an D.
4x®
Taco f'(x)=
f(x) xt+1
Cau 18: Pap an D.
Tac6 y'=(x"¢")' =2x.e* +x".¢", khi d6 bt phwong trinh y' <0 trd thanh

:>f'(1)=%=2.

2x.e" +x%.e" <O<:>e"(2x+x2)<0<:>x(x+2)<0<:>—2<x<0 (Do ¢* >0)
Cau 19: Pap an A.

Tacod u, =(-3;1-2);u, =(6;-2;4)=2u, .

Lay A(2;—2;—1)ed, nhén thdy A¢d'. Do vay d||d".

Cau 20: Pap an A.

2
Ta cd f’(x)=3—( 3 )2 =0<:>{(x+2) =1<:>x=—1(dotaxéttréntépD).
x+2

Ta c6 bang xét dau:

x -2 -1 1

Yy _ 0 N

Vay ham s0 da cho c¢6 mot diém cuc trila x=0. Vay B dang.

Ta thdy, ta khong so sanh duoc f (1) c6 phai GTLN ctia ham s6 trén D hay
khong, do vay ham s6 khong dat GTLN trén D, ttec A sai.

Cau 21: Pap an A.

Tac6 BA=(0;1;0), BC =(1,-1;0).

— BABC 01+1.(-1)+0.0 _ —
Khi do COSABCZBA'BC— ( ) =—1:>ABC=135°.

BA.BC \/@ \/12+(—1)2 NG

Cau 22: Pap an C.

2 1 3x+1
Cach 1. Ta c6 2x—1:3x+1<:>x2_1:10g2(3x+1) 2 1= 08, _ x+1

log,2 log,2
< log, 2.(x2 ) —x-1-log, 2=0, do phuwong trinh da cho c6 hai nghiém, nén ap

1
a+b=
e Vit fa o log, 2
dung dinh ly Viet ta c6 =ab+a+b=-1.
-1-log, 2
ab=
log, 2

1 x+1
Cach 2. Ta ¢ 2571 =31 « 20D 3541 oy (23 J =1

x+1=0

= 2x—1 Py 3 3
3 =1 x=1+log,3=b

:>a+b+ab=—1+(1+10g23)—(1+10g23)=—1.

x=-1=a

Cau 23: Pap an B.
Ta ¢6, do a, b déu la cac s6 am, do vay khong ton tai Ina, Inb, nén ta chon B.
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A Cau 24: Dap an D.
Nhén thay, d€ phuong trinh | f (x)| =m c6 4 nghiém doi mot khac nhau thi ta

stt dung phép suy dién d6 thi, day la bai toan twong tu ma t6i nhac dén trong
cau 3 dé 1 cudn “Bo dé tinh tiy mon toan nam 2017, cling 1a bai todn xuat hién
trong dé thi thir ctia SO GD&DT Hung Yén va Bé Chuyén Lam Son ma t6i da
giai chi tiét. Nhuw sau:

Ta 6 d6 thi ctia ham y =| f (x)| nhw hinh bén.

SO giao diém cua d6 thi ham s6 y = | f (x)| va duong thing y=m (cing phuong

Ox) la s6 nghiém ctia phuong trinh | f (x)| =m.

: A A A a1 . |m=0
Vay dé phuong trinh trén c6 4 nghiém d6i mot khac nhau thi m=
m=
Cau 25: Pap an D.
Ta thay day la dang tich phan ma t6i da nhac dén trong chuyén dé bd sung mot
sO van dé vé tich phan.
3 (x+3)-x 1 1

Ta cé 5 _ = =—-
x2+3x_x(x+3)_ x(x+3) x x+3°

Do vay

j- 3 x=!§(%— x}rs]dx=(ln|x|—ln|x+3|) f=ln5—ln8—ln1+ln4

=In5-3In2+2In2=In5-In2 =a+b=0.
Cau 26: Pap an D.
Ki hiéu nhw hinh vé ta co:
Vi H 1a giao diém cua AC, BD, khi d6 H la tdm ctia hinh vudng ABCD, suy ra
SH la duong cao ctia khdi chép S.ABCD. Vay SMH =45°= tam giac SHM
AB_AC a4
2 222
a_a\2
2o 3

vudng can tai H. Vay SH = HM =

N 1 1 2
Vay Vpep =§'SABCD 'SH=§'<Q\/E) .

Cau 27: Pap an B.

x=0

Taco y'=4x’ =22 —2x =0 2x(2¢" —x-1)=0 | x=1 .
-1

X=—

2

Ta c6 bang xét dau y':
1

X —0 —E 0 1 0

Y -0 + 0 T 0 +

N\ \ ? 7 . . \ ~ 7 . .« A? o A? \ 1 \
Nhin vao bang xét dau ta thady ham s6 c6 hai diém cuc tieu la x = —yvax= 1,

ttec ham s6 c6 hai gid tri cuc tiéu la f(—%j = _4_58 va f(1)= —%.
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STUDY TIPS
Trong cac bai toan Oxyz,
phuong trinh duong thang
thuong dugc dua vé dang
tham s6 d€rut gon an.

STUDY TIPS
Vi céc bai toan veé sd
phtic, chti ¥ i* =—1, nén
ta ¢6 thé€ don gian héa biéu
thitc bac hai vé bac mot.

Cau 28: Dap an C.

x=-1+2¢
Puong thang A:{y=-2—t .
z=2t

Goi d 1a duong thang di qua M va vudng géc véi A, d nA=N,suy ra N la
trung diém cua MM'.

Khido N =(-1+2t;-2—1£;2t) = MN =(-3+251-£;2t - 1).

Do d vubng géc véi Anén (-3+2t)2-1.(1-t)+2.(2t-1)=0=t=1,
Khi d6 M'(0;-3;3).

Cau 29: Pap an A.

Taco f (x) lién tuc trén R, nén ta cé

f 17 1t 1
jf(2x)dx=5jf(2x)d(2x)=5jf(u)du=5.2=1. Vay A sai.

-1 -1 )

Cau 30: Pap an D.

Ta co z:1+\/§i:>1: 1 1_\/§i:l_£i‘

z 1443 1-3 4 4

Cau 31: Pap an B.
Tt d6 thi ham s6 ta thdy ham s6 da cho luén dong bién trén tiing khoang xac

dinh, suy ra ad —bc >0 < ad > bc.

Mt khac duong tiém can ngang y = 2 ndm phia trén truc hoanh, do vay Z50.
c c

Duong tiém can ding x = _i nim bén phai truc tung, do vay —E <0 z >0.
c c

c
a>0;c>0
Can , [1a<0;¢c<0 a>0;c>0;d>0
Tt day ta co = .
d>0;c>0 a<0;c<0;d<0
d<0;c<0

.. A e s N i Ay g ” A . b
Ma giao ctia d6 thi ham s6 véi truc Oy la mot diém c6 tung d6 am, tikc 7 <0.
Va giao cua d6 thi ham s8 véi truc Ox la mét diém cé hoanh d6 duong, tic la

_—b>0<:>é<0.
a a

Tt cac dit kién c6 duoc thi ta thay b ludn khac ddu vdi g, d nén ta chon B.
Cau 32: Pap an B.
z, =2+i=z +1=-1+i

Phuong trinh c6 hai nghiém i )
z,=2-i=>z,+1=-1-i

Khidé w=(i-1)" +(i+1)"

Taco (i-1)" =(2 ~2i+1)" =(2i)" ; (i+1)" =( +2i +1)" =(2))"
Suyra w=(-2i)" +(21)" =2((~0)" +i* ) =2%.(-2) =2"

Céu 33: D4p 4n A.

D& ham s3 ¢6 tap xéc dinh D=R thi 4°~2* +m>0,Vx k.
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S 2¥ -2 4+ m>0,Vx. Tiec A=(—1)2—4.m<0<:>m>i.

Cau 34: Pap an B.

AC Za\/_ \/5

Puong tron ngoai tiép hinh chit nhat ABCD cé ban kinh R = =

Khi d6 dién tich toan phan cta hinh tru cé hai day Ian luot ngoai tlep hai day
2

cua hinh hop chit nhat da cho la: S, = 2.n.(aﬁ ) + 2mav/2.33/2a = 1672 (dvdt)

y A
Cau 35: Dap an C.
y=2-x y=x" Dién tich hinh phing duoc thé hién ¢ hinh bén.
Xét phuwong trinh hoanh d¢ giao diém:
O X ¥=2-xeox=1
x’=0<x=0
2-x=0=x=2
1 2 1 _x2 2 1 1
Ta nhan thay S:Ix3dx+j(2—x)dx=jx3dx+ +2x =—+Jx3dx.
0 1 0 2 1 2 0
Cau 36: Dap an A.
STUDY TIPS N BA 7 e s N am L a n ., ~ n , ~ n
e s e Dé do6 thi ham s6 da cho c6 tiém can ngang thi it nhat mot trong cac diéu kién
O bai todn nay ta c¢ thé
nham nhanh 1a dép én A, sau thoa man:
boi khi nhan lién hop, ba . .
o1 < ian Ben op, bac lim (ax+\/4x2 +1)=y ; lim (czx+\/4x2 +1)=y
tr sé cao hon bac mau, X—>—o0 07 Sk 0
khong ton tai tiém can 1

ngang, do vay d€ thoa man

: <a2 —4)x——
thi hé s8 ctia hang ttr ¢6 Ta co6 lim (ax +4x® + 1) = lim ———%

' o o o 1
bac cao nhat ¢ tir s6 phai a+ |4+ —
béng 0, nén chon A. x?
Tw day ta thay d€ d6 thi ham s8 ¢o tiém cdn ngang thi 4> -4=0< a=12
Cau 37: Pap an D.
Xét phuong trinh hoanh d6 giao diém x, lln(x + 1) =0 x=0.

Khi d6 thé tich kh&i tron xoay duoc tinh bang cong thirc
1

V= nsz In(x+1)dx
0

3

bit uzln(x+1):>du= dx; vdv = xtdx = v ="
STUDY TIPS x+1 3
N B , N . 1 3 1 1 3
Cong thiic tich phan timg Khi d6 I=J.x2 ln(x+1)dx=x—.ln(x+1) —I dx
phan: 3 0 53(x+1)

b b b
IquV:uv . —!Vdu

a

1 2
=l.ln2—lj X2 —x+1- 1 dx=1.lr12—l ——x—+x 1n|x+1|
3 31 1) 73 33 2

1
:E(12ln2—5) :>V—1 (12In2-5) (dvtt)

Cau 38: Pap an A.
Dat z=x+yi, (x,yeR).
Khi d6 2.(x+yi)=i(x-yi+3) <2x-y+(2y—-x-3)i=0

2x—y=0 =1
& Y p= * :>z:1+2i:>|z|=\/§
-x+2y-3=0 y=2
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Cau 39: Dap an C.
Mit cau (S) c6 tm I(1;2;-2), ban kinh R=~16+1+4+4=5.

M3t phang tiép xtic véi mat cau, do &6 d (I ; R) =5, ta thdy chi c6 phuong an C,
D thoa man.
Y A N ’ 2\, < - 3
Mt khac, mat phang can tim chira duwong thang d: al n 1_Y ; = %
Lay A(1,-3;0)ed thi Ag(P):—2x+2y-z+11=0, do dd ta chon C.
Cau 40: Pap an A.

Ta cé: Ham s6 y = x*, voi a € R, duoc goi la ham s6 lity thira, cac dang d6 thi

ctia ham s6 duoc thé hién ¢ hinh 2.1
a.Dang ctia d6 thi ham s6 liiy thira: Xét trén khoang (O; +oo) thi

D6 thi ctia ham s§ Iy thira y = x* ludn di qua diém (1;1).

@t =1 Trong hinh 2.1 14 d6 thi ham s§ liy thira trén (0;+00) ting v&i cac gid tri khac
nhau cta o.
b. Bang tom tat tinh chat caa ham s6 liy thira y=x“ trén khoang (0;+).
O<o<l a>0 a<0
a=0 DPao ham y'=ox"" y'=oax"!
> Chiéu bién thién | Ham s6 luén dong bién | Ham s ludn nghich bién
Hinh 2.1 Tiém can Khong c6 Tiém can ngang la truc Ox,

tiém can ding la truc Oy.
D6 thi D6 thi ham s6 ludn di D56 thi ham s6 ludn di qua

qua diém (1;1) diém (1;1)

Tt day ta chon dwgc dap an A.

Cau 41: Pap an D.

Vi d6 thi ham s6 y = f(x) déi xting voi (C) qua truc tung nén y(x) = y(—x)
-x+2 x-2

Khi d6 y=f(x)=_x_1_x+1.

Cau 42: Pap an A.
Dt z=x+yi, (x,y €R), khi d6 ta 6 3x +yi+i| =[2.(x - yi) - (x + yi) + 3i|

©3|x+(y+1)i|=|x+(3—3y)i| <:>\/9x2 +9(y+1)2 :\/xz +9(y_1)2
< 8x? +9.(2y+2y)=0@y=49i2.
Vay tap hop tat ca cac diém M la mot parabol.
Cau 43: Pap an A

Goi dién tich mdt ho 1a S, khi d6 lwgng beo hoa dau ban dau da c6 la % .
Goi x la s0 tuan beo hoa dau phu kin mét ho.

Khi do %.3" =53 =25« x=log, 25.

Vay sau 7 xlog, 25 ngay thi lwong beo hoa dau phu kin mat ho.
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Cau 44: Dap an B.

x> =2x#0

X2 —\2x+2>0

x* —\/Ex‘=log5 (x2 —\/Ex+2)
Dit x* —\2x=a=x* —2x+2=a+2. Khi d6 phuong trinh da cho tré thanh:
la| =3 5 -2=3 5 -2-3"=0(1)
< f=—
a+2=5  |5'-2=-3 |5 +3-2=0(2)

Di‘éukién:{ <:>x¢0;x¢\/5.

Ta cd log,

log, |a|=log5 (a+2)=t:{

Dit f(t)=5 -2-3"; g(t)=5'+3" -2
Bang phurong phap ham s§ ta Ian luot chitng minh duwoc hai phuong trinh
(1) , (2) ludn c6 nhiéu nhat mot nghiém trén R.
t=0=>a=-1

Ma f(1)=0;¢(0)=0, dovay tacd

F)=0:(0)=0.doviy wed | 71217
V6i a=-1 thi phuong trinh da cho v6 nghiém.
V6i a =3 thi phuong trinh da cho cé hai nghiém phéan biét thoa man diéu kién.
Cau 45: Pap an A.
Xéthams§ f(t)=t" +t* -2t -2014 trén R.
Taco f' (t) =3t* + 2t -2 =0, phuong trinh c6 hai nghiém phan biét, suy ra ham
s0 c6 hai cuyec tri, tir day ta loai duoc B.
V6i C, D ta thdy khong du dir kién dé khang dinh hai phuwong trinh c6 cting s6
nghiém.
A dting, boi khi dat x—1=u thi hai phuong trinh f(x)=2017 va f(u)=2017
c6 cung s6 nghiém.
Cau 46: Dap an D.
Tacé A(x;y)=>z=x+yi(x,y>0)

Khidé weto L 1 _Zy-xi_ "2y 2x,.
1z i(x+yi) —y+xi P +x® 2 2
Khi d6 ta thay toa dd diém biéu dién s8 phic w 1a [_Z_y_Z_xj
¥ v \/5/ \/5 .

DPén day ta chi co hai lya chon la N hoac P, tuy nhién néu la N thi toa do sé la
(-y;—x), (do nhin hinh ta thdy OA=0N ).
Tt day ta chon diém P.
Cau 47: Pap an A.
Goi M la trung diém cua BC.
Dung AM L BC, mdt khac AM L BB' suyra AM L (BCC'B')
Khi d6 AB'M =30", lai ¢6 AM=§:>AB'sinB'=AM
' AM ' 12 2
Suy ra AB'= =a\3 = BB'=VAB- AB* =12

sin30°

2 3

Do d6 V =S,.BB'=
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STUDY TIPS
Vi cac ban kha cé thé ap
dung bét ding thiic
Cauchy d¢€ giai quyét bai
todn nhanh hon.

STUDY TIPS
Ham véan tdc la dao ham

cdp mot cua ham li d6.

Cau 48: Dap an C.

Khi quay hinh tam gidc ACH quanh truc AB ta duoc khdi nén dinh A, c6 day la
hinh tron tam H ban kinh HC.

bat AH=h;,CH=r

Taco: V :%nrzh.

Ap dung hé thiic luong trong tam gidc ACB ta c6 CH* = HA.HB ,
Ma HB=(2R-h),

Suyra r* =h(2R-h)=V =%nh.(2R—h).h

D& thé tich vét thé tron xoay tao thanh 16n nhat thi (2R —/).h* 16n nhat.

Xétham 6 f(h)=2RK* —h® trén (0;2R).

Ta c6 f'(h)=4R.h—3h2=o@h=§ (do h>0).=r= AR [Hp_4R :ﬁ
3 3 3 3
Khi d6 tanazﬁzizﬂzazarctan—z.
AH h 2 2

Cau 49: Dap an C.

Vi ham quang duong la nguyén ham ctua ham véan tdc, do d¢é ta ¢ thé tim duoc
ham quang dwong. Mat khac, khi tiép dat thi vat da di duoc quang duong la 162
mét, do vay ta tinh duoc thoi gian ¢ lic vat cham dat, luc nay ta tim duoc v khi

bét dAu cham dat.
Taco s(t) =jv(t)dt =j(10t - tz)dt =—§+ 52 +C.

Do ta tinh thoi diém ban dau vat tai vi tri 0 nén C =0.

t3
——+5t' =162 t=9=0v(9)=9(m/p).

3 (9)=9(m/p)
Cau 50: Dap an B.
Nhén thdy bai toan twong tw nhu cau 45, dé s6 2 sach “ B dé tinh ty mon Toan
2017” ma t6i da phan tich chi tiét, & day ta thay, mat phang chita diém M va
vuong goc véi d 1a mat phang 8 dinh, do vay khoang cach tir A dén mat phang
d6 cling cd dinh, nén ta c6 10i giai sau:
Phuong trinh mat phang di qua M va vudng géc véi d 1a: 2x+2y—z+9=0 (P)
Khi d6 (P) chtra A.
Goi H la hinh chiéu cua A 1én (P), K1a hinh chiéu ctia A 1én duong thang A.
Tacd AH < AK (trong tam giac vuong canh goc vudng nho hon canh huyén).

Hay d(A;A) > d(A;(P)) = const , ddu bfmg xay ra khi H=K.

x=1+2¢
Khi d6 phuong trinh AH la: §y=2+2t = H(1+2t;2+2t;-3—t)
z=-3-t

Ma He(P)nén 2(1+2t)+2(2+2t)+3+t+9=0=t=-2=H(-3;-2;-1)
=u, = HM(1;0;2).
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DE ON LUVEN SO 22

Céu 1: Cho ham s6 y -* Ménh dé nao sau
¥ —

day dung?
A. Ham s0 dong bién trén khoang (0;1).
B. Ham s8 dong bién trén R\ {1}
C. Ham s6 nghich bién trén (—00;1) U (1;+oo).
D. Ham s6 nghich bién trén cac khoang
(—oo;l) va (1; +oo).
Cau 2: Ham s6 nao sau day khong phai la
nguyén ham cta ham s6 y =2sin2x?
A. 2sin’x. B. —2cos’ x.
C. 1-cos2x.

Cau 3: Biét rang d6 thi ham s6 y=x* +3x* c6

D. 1-2cosxsinx.

dang nhu sau:

Y

Hoéi d6 thi ham s& y:‘x3 +3x2‘ c6 bao nhiéu
diém cuec tri?

A. 0. B. 1. C. 2. D. 3.

Cau 4: Xét hinh chép S.ABC thoa man
SA=a, SB=2a, SC=3a véi a la hang s5 duong
cho tredC. Tim gia tri 16n nhat cua thé tich khoi
chép S.ABC?

A.6a>.  B.22. Ca. D. 3a°.
Cau 5: Goi M va m lan lugt la gia tri 16n nhat va
J1-x —242

Jx+1

nho nhat cia ham s6 y = . Khi d6 gia

tricta M -m la:

A. 2. B. -1. C. 1. D. 2.
Cau 6: Trong khong gian vdi hé toa do Oxyz, tinh
khoiang cich tt O dén mat phéang
2x+2y+z-3=0.

A. 1. B. % C. 2. D. 3.

Cau 7: Cho hinh hop chit nhat ABCD.A'B'C'D'
c6 AB=a, AD=2a va AA'=3a. Tinh ban kinh
R clia mat cau ngoai tiép t& dién ACB'D'.

A.&. B.“m. C.”‘/g. D.&.
2 2 2 4

Céu 8: Cho hinh chép S.ABC ¢6 (SAB), (SAC)

cung vuong goc voi day; canh bén SB tao voi day
mot goc 60°, ddy ABC la tam gidc vudng can tai
B v6i BA=BC=a. Goi M, N lan lugt la trung
diém ctia SB, SC. Tinh thé tich cua khoi da dién
ABMNC?

37 J3a NEYA NEYA

A. . B. . C. . D. .
4 6 24 8
Cau 9: SO tiém can ngang cta d6 thi ham sd
y= Xl
Vxr+1
A. 0. B. 1. C. 2. D. 3.

Cau 10: Trong khong gian voi hé toa 46 Oxyz,

cho tir dién ABCD véi A(-1;2;1), B(0;0;-2),

C(1;0;1), D(2;1;-1). Tinh thé tich t&r dién ABCD.
1 2 8

A —. B. =. C. é D. —.
3 3 3 3

Cau 11: Trong khong gian véi hé toa d6 Oxyz,
viét phuong trinh mét phang (P) song song va
cach déu hai duong thang d, :x_—12=%=§ va
x_y-1 _z-2
2 -1 1
A.(P):2x—2z+1=0. B.(P):2y—2z+1=0.

d

C. (P):2x-2y+1=0. D. (P):2y-2z-1=0.
Cau 12: Cho hinh chép S.ABC c6 day ABC la
tam giac déu canh a, mat bén SAB la tam giac
déu va ndm trong mat phang vudng goc véi day.
Tinh theo a dién tich xung quanh mét cau ngoai
ti€p hinh chép S.ABC.

2 2 2 2

AE g2 ™ p T

3 6 3 12

Cau 13: Trén mat phang phttc, cho diém A biéu

dién s§ phttc 3-2i, diém B biéu dién s§ phitc
-1+6i. Goi M la trung diém ctia AB. Khi do

diém M biéu dién sd phttc nao sau day?
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A.1-2i. B. 2-4i.
C. 2+4i. D. 1+2i.
Cau 14: Cho a=log, 20. Tinh log,,5 theo a.
A2 gl a2 poarl
2 a a a-2

Cau 15: Trong khong gian voi hé toa do Oxyz,
choba diém A(1;-1;1), B(2;1,-2), C(0;0;1). Goi
H(x;y;z) la treec tam tam gidc ABC thi gia tri
x+y+z lakét qua nao duwdi day?

A. 1. B. -1. C.o. D. -2.
Cau 16: Ham s6 nao sau day ¢4 2 diém cuc dai va
1 diém cuc tiéu?

A y=x'+x"+1. B.y=x'-x"+1.
C.y:—x4+x2+1. D.y:—x4—x2+1.
Cau 17: Téng cac nghiém cua phuong trinh
3 81bang:

A. 0. B. 1. C. 3. D. 4.

4Inx+1

2
Cau 18: Gia st I dx=aln’*2+bIn2, véi
1

x

a, b 1a cac s8 hiru ty. Khi d6, tong 4a +b bang:
A. 3. B. 5. C. 7. D. 9.

Cau 19: V6i a, b>0 bat ky. Cho biéu thic

1 1
P=a5«/5+b5\/a

. Tim ménh dé dung.

A. P=+ab. B. P=3/ab.
C. p=Yab. D. P =ab.

Cau 20: Cho s6 phtic z thoa man 3iz + 3 + 4i = 4z.
Tinh médun ctia s6 phtc 3z + 4.
A5 B.S. C.25. D. 1

Cau 21: Trong cac tich phan sau, tich phan nao

2
khéng c6 cuing gid tri v6i I = Ix3 Va® —1dx?
1

2 4
A. %jt\/t—ldt. B. %jt\/t—ldt.
1 1

NG 3
C. J‘(t2 + 1)t2dt. D. I (x2 +1)x2dx.
0 0

Cau 22: Dang thiic nao sau day la dung?

A (1+i)° =32 B. (1+i)" =-32.

C. (1+i)" =32i. D. (1+i)" =-32i.
Cau 23: Cho hinh tru c6 hai duong tron day lan
luot 1a (O),(0’). Biét thé tich kh&i non 6 dinh la

O va déy la hinh tron (O') 1a ’, tinh thé tich
khoi tru da cho?

A.22°.  B.4ad. C.6a>. D.3a.
Cau 24: Cho s6 phttc z=a+bi vdi a, b 1a hai s6
thuc khac 0. Mot phuong trinh bac hai voi hé s6
thic nhan z lam nghiém véi moi a4, b la:

A,z =a"-b"+2abi. B.z'=a"+b.

C. 22 -2az+a*+b*=0. D. z+2az+a’ -b" =0.
Cau 25: Tai mot thoi diém + trude lac dd xe &
tram dung nghi, ba xe dang chuyén déng déu véi
van tdc 1an lwot 1a 60km / h;50km [ h va 40km / h.
Xe thtt nhat di thém 4 phtt thi bat dau chuyén
déng cham dan déu va dung hin & tram tai phut
thit 8; xe thit hai di thém 4 phut, bat dau chuyén
déng cham dan déu va dung hén & tram tai phut
thit 13, xe thit hai di thém 8 phat, bat dau chuyén
dong cham dan déu va dung hin ¢ tram tai phat
thit 12. Db thi biéu dién van tc ba xe theo thoi
gian nhu sau: (don vi truc tung x 10km/h, don
vi truc hoanh la phut).

A Xe thir nhat
Xe thir hai

S
>

11 12 13

4 5 8

Gia s tai thoi diém ¢ trén, ba xe dang cach tram
lanlwotla d,,d,,d,. Sosanh cac khoang cach nay.
A.d <d, <d,. B. d, <d, <d,.
C.d, <d <d,. D. d <d, <d,.
Cau 26: Cho hinh chop S.ABC c6 day la tam giac
déu canh 4, canh bén SA vudng goc véi day va

SA=ax/3. Tinh thé tich kh&i chép.

3 3 3

3
2. L. i b L
12 2 4 6
Cau 27: Biét do thi ham s§ y = ax’ + bx* +cx +d ¢6
2 diém cyc trj la (-1;18) va (3-16). Tinh a+b+c+d.

A. 0. B. 1. C. 2. D. 3.
Cau 28: Véi a, b, c>0,a#1, a#0 bat ky. Tim
ménh d@ sai.

A. log, (bc) =log b+log, c.
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B. log, b_ log, b-log, c.
c

C. log ., b=alog,b.

D. log, b.log a=log_b.
Cau 29: V6i gia tri nao cua cuia tham s6 thwe m
thi x=1 la difm cypc tiéu caa ham so

_ 1, 2 2

y—gx +mx +(m +m+1)x?

A. me{-2;-1}. B. m=-2.
C. m=-1.

Cau 30: D6 thi ham s8 y=x° +1 va do thi ham s&

D. khong c6 m.

y=x"+x 0 tat ca bao nhiéu diém chung?
A. 0. B. 1. C. 2 D. 3.
Cau 31: Dién tich hinh phang gii han bdi cac d6

thi ham s8 y=x va y=x la:

1 1
A. —(dvdt). B. = (dvdt).
- (@vdy S (@vdy)

C. i(dvdt). D. %(dvdt).

Cau 32: Trong khong gian voi hé toa do Ouxyz,
cho hinh hép ABCD.A'BCD' <6 A(1;2;-1),
C(3;-4;1), B'(2;-1;3) va D'(0;3;5). Gia st toa
do D(x; y;z) thi gia tri ctia x + 2y — 3z la két qua
nao dudi day?

A. 1. B. 0. C. 2 D. 3.
Cau 33: Trong s0 cac s6 phic z thdéa man diéu
kién |z—4+3i| =3, goi z, la s6 phttc c6 md dun
16n nhat. Khi d6 |z,| la:

A. 3. B. 4. C. 5. D. 8.
Cau 34: Tap nghiém cua bat phuong trinh

log, (10g1 x] <1 la:

2

1 1
A. (0;1).  B. (g;lj. C. (1,8). D. [5;3}
Cau 35: Cho chép S.ABC c6 ddy ABC la tam
gidc vuodng can tai C véi CA=CB=a;SA = a\/g,
SB=u\/5 va SC =ay2. Tinh bén kinh R cta mit
cau ngoai ti€p chop S.ABC?

N T TR T T
L

C. —— D. .
2 3 4

Cau 36: Nguoi ta mudn thiét k&€ mot bé ca bang

kinh khong c6 nap véi thé tich 72dm® va chigu
cao la 3dm. Mot vach ngin (cing bang kinh) &
gitra, chia bé ca thanh hai ngén, véi cac kich
thwde a, b (don vi dm) chu hinh vé.

— Tt

\ bdm

adm
Tinh a, b d€bé€ ca ton it nguyén liéu nhat (tinh ca
tam kinh ¢ gitra), coi bé day cac tdm kinh nhu
nhau va khong anh huong dén thé tich ctia bé.

A.a=+24, b=24. B.a=3 b=8.
C.a=32,b=4J2. D.a=4,b=6.

Cau 37: Cho z la s6 phirc thoa man z+l:1.
z

Tinh gia tri caa z*7 + 221017 )
A. -2, B. -1. C. 1. D. 2.

Cau 38: Biét F(x) = (ax + b)ex la nguyén ham cua

ham s§ y=(2x+3)e". Khi d6 a+b la

A. 2. B. 3. C. 4. D. 5.
Ciu 39: Tim m d€ phuong trinh
mln(l—x)—lnx =m céd nghiém x E(O,‘l)

A. me(0;+oo). B. me(l;e).
C.m e(—oo;O). D. m e(—oo;—l).
Cau 40: Trong khong gian voi hé toa do Oxyz,
cho mét phang (P):2x+2y—z+3=0 va duong

thang (d):xT_lzszr3 :g. Goi A la giao diém

cua (d) va (P); goi M la diém thudc (d) thoa

man diéu kién MA =2. Tinh khoang cach tx M
dén mit phang (P)
4 8 8 2

A, —. B. —. C. —. D. —.
9 3 9 9

Cau 41: Cho x=log,5, y=log,3, z=1log, 10,
t=log, 5. Chon thit tir dng.
Al z>x>t>y. B.z>y>t>x.

Cy>z>x>t D.z>y>x>t.
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Cau 42: Tim tap nghiém cta bat phuong trinh
3 3l < oy la:
A. [0;+oo).
C. [2;+).

B.[0;2].

D. [2;+e0)U{0}.

Cau 43: Trong khong gian voi hé toa do Oxyz,
xét mat cau (S) di qua hai diém A(1;2;1),
B(3;2;3), c0 tam thudc mat phéng
(P):x—y—3=0, dong thoi c6 ban kinh nhé nhat,
hay tinh ban kinh R cta mét cau (S).

A1, B.\2.  C.2 D. 242.
Cau 44: Tinh thé tich cia mét khéi nén cd goc &
dinh 12 90°, ban kinh hinh ton day 1a a?

3 3 3 3

AM g™ M p A
2 4 3

Cau 45: Trong khong gian voi hé toa do Oxyz,
cho bén diém A(3;0;0), B(0;2;0), C(0;0;6) va
D(l;l;l). Goi A la duong thing di qua D va
thda man tong khoang cach tir cac diém A, B, C
dén A lalén nhat, héi A di qua diém nao trong
cac diém dudi day?
A. M(-1;-2;1). B. M(5;7;3).
C. M(3;4;3). D. M(7;13;5).
Cau 46: Biét rang ham s6 y = x* —4x? + 3 c6 bang

bién thién nhu sau:

¥ o 2 V2 +00

0
Y -0 + 0 -0 +
3

y +°O\_1/v \_1/+°O

Tim m d€ phuong trinh ‘x‘* —4x* + 3‘ =m cb ding
4 nghiém thiyec phan biét.
A. 1<m<3.
C. m=0.

B. m>3.
D. me(1;3)u{0}.
Cau 47: Dan s0 thé gidi duoc wdc tinh theo cong
thitc S= Ae" trong d6 A la dan s6 ctia nam lay
lam mdc, S 1a dan s6 sau n nam, i la ty 1€ ting
dan s& hang nam. Theo th&ng ké dan s8 thé gidi
tinh dén thang 01/2017, dan sd Viét Nam co
94,970,597 nguoi va cd ti 1€ tang dan s6 la 1,03%.
Neéu ty 1é tang dan s6 khong doi thi dén nam 2020
dan sd nudc ta c6 bao nhiéu triéu nguoi, chon
dap an gan nhat.

A. 98 triéu nguoi. B. 100 triéu nguoi.
C. 102 triéu nguoi. D. 104 triéu nguoi.

Cau 48: C6 bao nhiéu s6 nguyén duong n sao

cho nlnn—J.lnxdx co gia tri khong vuot qua
1

20177

A. 2017. B.2018. C.4034. D. 4036.

o N ~ mx Ca A
Cau49: Tim m d€hams6 y = co tiém can

x—m
ding.
A. me{—l;l}. B. m=1.
C.m=-1. D. khong c6 m.

Céau 50: Cho ham s& f(x):ln(4x—x2). Chon

khéng dinh dung.
A. f'(3)=-15. B. f'(2)=0
C. f'(5)=12. D. f'(-1)=-1,2.
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PAP AN

1.D 6.A 11.B | 16.C | 21.A | 26.C | 31.D | 36.D | 41.D | 46.D

2.D 7.B 12.A | 17A | 22.C | 27B | 32.B | 37.C | 42.D | 47.A

3.D 8D | 13.D | 18.D | 23.D | 28.C | 33.D | 38.B | 43.D | 48.B

4.C 9.C 14.C | 19.B | 24.C | 29.D | 34B | 39.A | 44.A | 49.A

STUDY TIPS
Vi cdc ham phan
ax+b
ox+d’
ad —bc#0 thita chi
ndéi ham s6 don diéu
trén tig khoang xac
dinh, cht khong don
diéu trén mot tap so.

thttc dang y =

STUDY TIPS
Dé bai hoi khong phai
nguyén ham ctia ham
sO, tirc 1a ta di xét
xem, ham s& da cho
¢6 phai dao ham cua
cac phuwong an hay
khéng.

STUDY TIPS
Ta c6 mot chti y nho 6
day, d¢ 1a ta thay
y =|f(x)| ticlay
ludn khong am. Do
vay ta bo phan y am
va lay d6i xtiing qua
Ox.

5D | 10.D | 15.A | 20.B | 25.D | 30.C | 35.B | 40.C | 45.B | 50.B

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.

Taco: y'=- > <0,Vxe(—oo;1)u(l;+oo)

x-1
Ttr day ta loai A va B.
Tiép dén véi C va D, ta ¢6 mot chii y 1a “Trong chuong trinh pho thong chi gidi
thiéu ham s6 dong bién, nghich bién trén mot khoang (doan), nira khoang (ntra
doan) ma khong xét dong bién nghich bién trén mot tap s6” day la chi y ma t6i
da dé cap kha nhiéu trong “Bd dé tinh tiy 6n thi THPT QG 2017 mén toan va
Cong pha Toan tap 3”, do vay ta loai C, chon D.
Céu 2: Pap an D.

- Voi A: (2 sin’ x)’ =4.cosx.sinx =2sin2x, loai A.

- Véi B: (—2 cos’ x) = —4.(—sin x).cosx =2sin2x, loai B.

- Voi C: (1 - Cos Zx)' = —2.(—sin 2x) =2sin2x, loai C, chon ludn D.
Taco: y=1-2cosx.sinx =1-sin2x
= y'=-2cos2x nén ta chon D.

Cau 3: Pap an D.

Y

-2 O

1
1
I
I
1
I
1
I
1

Hams6 y= ‘x3 + 3x2‘ c6 d6 thi nhw hinh vé.

Céc diém cuee tri ¢d thé hiéu ndm na la cac diém tai d6 chiéu ctua d6 thi ham s6
déi tir dong bién sang nghich bién hodc nguoc lai.

Ta thdy qua diém (—3; O) , d6 thi ham s8 chuyén tir di xudng sang di 1én.

Qua diém (—2;4), d thi ham s8 chuyén tir di 1én sang di xudng.

Va tai diém (0; 0) , d6 thi ham s8 chuyén tir di xudng sang di 1én.

Vay d6 thi ham s6 c6 3 diém cuec tri.

324 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thii ting kem



STUDY TIPS
Cach suy luan: Do c6
3 yéu t6 da duoc xac
dinh la SA, SB, SC
nén néu coi SBC la
day, cong thtc tinh
thé tich sé phu thudc
vao 2 yéu td la chiéu
cao va dién tich day.
Luc nay ta thdy chiéu
cao ta sé dua vao SA,
do SA la yéu t6 da
biét khong doi, twong
tu day cling vay. Cha
y: Tanén dua vao cac
yéu t8 6 dinh, tir d6
tao bat ding thirc.

STUDY TIPS
Véi bai toan ma ham
s0 kha phtc tap, kho
nhan ra tinh don diéu
ngay, ta nén stt dung
TABLE d& xac dinh
tinh don diéu ctua
ham s6 trén khoang
(doan) dang xét.
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STUDY TIPS
Cong thiec tinh duong
chéo cta hinh hép
chi* nhat cé ba kich
thudc Ian luotlaa, b,

clad=+a’+b*+c*.

Céau 4: Dap an C.

B
Goi H la hinh chiéu cua A 1én (SBC).
Xét tam gidc SAH ta c6 AH <SA (canh géc vuong nhoé hon canh huyén).
D&u bang xay rakhi A=H .

SSBC

- %.SB.SC.sinS/BE g%.SB.SC do (sinSBC <1)

Dau bang xay ra khi SB L SC.

lAH.S < l.SA.%SB.SC =g,

V&Y Ve =3 AH S <5
Déu "=" xay ra khi SA L (SBC) va SBLSC.

Cau 5: Pap an D.

Cich 1: Dieu kién: x€[0;1]. Khi d6: -2<y/1-x-222<1 va 1</x +1<2.
Suyra -1<y<1.Dod6 M=1khi x=0 va m=-1khi x=1.Vay M-m=2.
Cdch 2: Xét phuong trinh y' =0, giai phuong trinh va so sanh.

Cidch 3: St dung MTCT
Math Math
i F i ) F i)
Al 0n | | 0. 7088 ol 0o |0- 238
3l o-2lp-sean A0 AREE
Math Math
| *n.5|-Brdua | hr i
B 21|-0- 235 1 ] | 0 55
o|mi: | - 0. 438 Iz
0.5

Nhin vao TABLE ta thay ham s& nghich bién trén [ 0;1] nén gi tri 16n nhat,
nho nhat ham s6 dat duoc tai hai diém dau mat. Dovay M -m=1- (—1) =2

Cau 6: Dap an A.

|2.0+2.0+1.0—3|
- =1.

Goi (P).2x+2y+z 3=0, ta co: d(O,(P)) \/22+22+12
Cau 7: Dap an B.

Goi I la trung diém ctia A'C . Suy ra I 1a tim mat cau ngoai tiép hinh hoép chi
nhat ABCD.A'B'C'D’, do d6 I la tam mat cau ngoai tiép t& dién ACB'D’Ban

s

kinh mét cau R=IA’ =%A’C=%\/AB2 +AD* + AA” =1 5

Céu 8: Dap an D.
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(SAB) L(ABC)
Ta c6: {(SAC) L(ABC) :>SAJ_(ABC);
(SAB)

(
(SAC)=s
)

SBA = ABC))=60°. SA=BA.tanSBA = /3 .
(5B,(4BC))=

1 3
Vi ipe ==SA.BA.BC = .
6 6
Vi amn _5A SA SM SN 1 SV, =§VS = a3\/§ |
Vs e SA"SB SC 4 ' ' 8
Cau 9: Pap an C.
T . . 1
STUPY Tip Sw Ta co: lim y =lim X lim =1,
Cht y: khi xét x dién X0 xoke [02 0 xowe 1
dén duong vo cling, 1+ 2
va am vo clng, tan *
xét d4u ctia x khi cho I i 1
< im y = lim = lim
vao can. s w x>0 \/ﬁ X
Vay ham s0 c6 hai tiém canngang la y=-1 va y=1.
Cau 10: Pap an D.
O day ta c6 cong thirc nhanh nhuw sau:
Cho kh&i hop ABCD.A’B'C'D’
STUDY TIPS I T ——
Thé tich ctia t dién 1. Dién tich hinh binh hanh ABCD 1a S = ‘[AB, ADJ‘ va S, = E‘[AB, AD}‘.
ABCD dugc tinh:

e 2. Néu ABCD.A’B'C'D’ 1a kh6i hop c6 thé tich V thi V = ‘[E,EJ]A—A‘ vado dé
v :g.‘[AB,AC}.AD‘

1%

ABDA'

—|[ 4, 4D 44].

Tt hé qua trén, ta c6 ap dung vao bai
Tacé: AB=(1;-2;-3), AC=(2;-2;0), AD =(3;-1;-2).

St dy
| AB, AC |=(~6;-6;2) =[ AB,AC].AD|=|-63-6.(~1)+2.(-2)|=16

= VABCD

1Ir— —1—
:g‘[AB,AC].AD‘ _°
Cau 11: Pap an B.
Duong thing d, c6 VICP u, =(-1;1;1) va di qua diém A(2;0;0).
buong théng d, c6 VICP LTz = (2,' -1 —1) va di qua diém B(O;l;Z).
VTPT caa (P) lan= [uj,ﬁ?] = (0; 1,'—1) . Khi d6 phwong trinh (P) c6 dang
2y-2z+m=0.
Trung diém ctia AB la 1[1;%;1]6(1)) =(P):2y-2z+1=0
Phuong trinh mdt phang (P) la 2y—-2z+1=0.
Cau 12: Pap an A.

DungSH L AB=>SH 1 (ABC).
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Goi G,,G, lan luot la trong tam ciia AABC va ASAB.

Dung duong thang d, di qua G, va vudng goc véi (ABC ) = d, la truc duong
tron ctia tam gidc ABC.

Dung duong thing d, di qua G, va vudng goc véi (SAB). Goi d, cat d, tai I.
Khi d6 I la tam mat cau ngoai tiép chop S.ABC vabankinhla R=SI.

a3 c_m3

Tacé SH=——=S5G, =ZSH=
2 3 6

a

NG

2
Khi d6 R=SI=1/SG +G,I* =~ 615 Vay S =47R? :5“7”.

Cau 13: Pap an D.
Toa dd A(3;-2) va B(-1;6).

va G,I = HG, :%H

Tacéd M latrung diém AB nén cé M(1;2). Vay diém M biéu dién s§ phtic
1+2i.

Céu 14: Pap an C.

Cdch 1: Taco a=log, (22.5) =2+log,5=log,5=a-2.

log, 5 -2
Ma log,, 5= Boo _G-7
log,20 a
Math &
IDQEDEEJ—HEE Cdch 2: BAm may gan log, 20 > A.
i Bam may tht ta chon C.
Cau 15: Pap an A.
Toa c6 ZI-—I=(x—1;y+1;z—l); B—H=(x—2;y—l;z+2).
Va BC=(-2;-1;3); AC=(-1;1,0); AB=(1,2;-3).
Cdch 1: Diéu kién &€ bon diém A, B, C, H dong phang la
[E,A—CJ.EI:O Sx+y+z=1.
Vay tir phuong trinh cudi cilahétacd x+y+z=1
Cdch 2: Ta tim dwoc toa dd diém H 1a (1; O;O) =>x+y+z=1
STUDY TIPS . o
D& xét dang cua d6 Cau 16: Dap an C.
thi ham bac bén triing Do hé s6 a >0 nén ta loai luoén hai phwong an A va B.
phuong ta xét dau

Tiép dén véi C ta o ab=-1<0 thoa man.
Cau 17: Pap an A.

39 8l xt 3% =4t —3x2—4=0

cua ava ab.

2
-1
<:>[x2 Sxl=dox=12
x- =4

Vay tong cac nghiém ctia phwong trinh 37 =81 bang 0.

Céu 18: Pap an D.

Cdch 1:

2 2 2 2

J‘de :I[éllnx +ljdx =4Ilnxd(lnx)+_[ldx
Loxx 1 1 X

1 X

=4a+b=42+1=9.
=2In? x‘j +ln|x”f =2In’2+1In2
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Math &

Z41R0E+1
AINLRI+L sy

1. 654055205

Math

o I
3 =311.171701 -5
ol
E-!-' 0. 55'15
z
B3 BB dfr
S+ B
1T 817120593
lena_}::l:: [F] MathWik
1.817120593
JE=a -y a
0.63236915
Ty
0
STUDY TIPS

Thé tich ciia khéi nén
c6 dinh la mot tam
duong tron day va
day la day con lai cta
khoi tru c6 thé tich
béng mot phan ba thé
tich khoi tru dé.

Cdch 2:

Ta 6 thé sit dung mdy tinh cam tay nhu sau:

Do dé bai cho 4, b la cac s6 hitu ti nén ta cé thé st dung TABLE dé€ “mo”. O day
ta st dung tir mo boi déi khi viéc gan gia tri cho x khong dan ra két qua.

2
Ta nhap j%dx A.

1
A-b.In2
In?2

Do chitc nang TABLE la chitng ndng gitp hién thi cac gia tri ham s6 khi cho x

Ta thdy ldcnay A=a.In’2+b.In2<a=

chay trén mot khoang véi budc nhay xac dinh.
Vay néu coialaham f (x), bla bién x thi ta c6 duoc TABLE, nhéap

A-x.In2
f (x) - n2?2 ’
O day ta chon khoang tir -5 dén 5 va STEP 1 ta dwoc nhw hinh bén. O day ¢6
b=1,a=2 nguyén nén ta chon duwoc 4a+b=9. Chon A.
Cau 19: Pap an B.

1 1 1

Cich1:Taco P= - 'bj +bj a2 —

as +b°

Cdch 2: Ta thtt vdi cac gia tri bat ki ctia a, b tir d6 so sanh v6i cac phuong an A,
B, C, D dé két luan.

Ta sé thit a=2;b=3, ta khong nén tht gia tri 1, hodc 0 do day la hai gia tri dac

biét. BAm may gan 2 —» A;3 — B.
1 1
A\B+B*AJA
(a+dB
X, ta lan luot thir cdc phwong an A, B, C, D. Tt day ta chon B.
Cau 20: Pap an B.

Tiép theo nhap vao man hinh =ta dugc két qua. Gan két qua véi

Ta cod 3iz+3+4i=4z<:>z=3+4l

5= -Suyra 3z+4=3i+4=[3z+4|=[3i+4|=5.
—ol

Cau 21: Pap an A.
Ditt=vx’ 1= =x* 1= tdt=xdx.Khi x=1=t=0, x=2=t=+/3

Do d6 I :jf Nx? —1dx = jf(tz +1)#dt, tir day ta loai C, D.

4
Tiép theo v6i A va B, néu ta dét x> =t thi 2xdx =tdt, lucnay I = %jt.\/t —1dt
1

Vay taloai B, chon A.

Cau 22: Pap an C.

(1) =((1+i) )5 = (2i) =2(#) =320
Cau 23: Pap an D.

Vo= %nth =a’° =V, =nR’h=3da".
Céu 24: Dap an C.
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STUDY TIPS
Chu y biéu thiic ham
van toc 1a dao ham
ctia quang duwong.

z=a+bi va z=a—bi la nghiém ctia phuong trinh:

(x—z)(x—g)=0<:>x2 —(z+g)x+z;=0

< x?=2ax+a’ +b* =0.

Cau 25: Dap an D.

Nhin vao d6 thi ta thay, khi ma d6 thi ham s& c6 phwong cung phuong véi truc
Ox tec 1a Iac d6 ham khong d6i, xe chuyén dong déu.

Vi xe tht nhat, “Xe tht nhat di thém 4 phut thi bat dau chuyén dong cham dan
déu va diing han & tram tai phut thé 8”

Luc nay quang duong xe tht nhat di duoc tinh boi cong thire:
4

d, =60.4+ [ (60 —15¢)dt =360 ;
0

© day ta viét duoc ham s6 van tdc theo thoi gian dya vao d6 thi ham sé.)
Tuong tw voi xe thit hai va thit ba ta ¢6 quang duong hai xe di dugc lan lugt
dwoc tinh bdi cong thikc:

[ 50
d, =50.4+ j(so —?tjdt = 445
0

4
d, =40.8+ [(40—10¢)dt = 400
0

Cau 26: Dap an C.

2 3
Tacod V. Lsas 1ﬂa\f=”—.
3 4 4

S.ABC — 3 ABC —
Cau 27: Pap an B.
Taco y'= 3ax® +2bx + ¢
Do x =-1;x =3 1a hai diém cuec tri cia ham s6 nén:

3.a.(-1)" +2b.(-1)+c=0 _ [3a-2b+c=0

o

30.32 +2b3+c=0 27a+6b+c=0

—a+b—-c+d=18

Hai diém (—1; 18);(3; —16) nam trén d6 thi ham sd nén
27a+9b+3c+d=-16

Giai hé 4 phueong trinh ta co: a:z,bzﬂ,c=ﬂ,d=@:a+b+c+d:1
16 16 16 16

Cau 28: Pap an C.
A L oaan ~ 1
Dua vao cong thitc d6i co s6 log , b=—log b.
! o
Cau 29: Pap an D.
Taco: y' =x>+2mx+m” +m+1
x=1 la diém cyc tiéu ctia ham s6 :>y'(1)=0 < m*+3m+2=0m=-1
hoac m=-2
Véi m=-1tacd y'(x)=(x- 1)2 >( nén ham s khong c6 diém cuc tri.
e ;. 2 x=1 N N 1A A 1 N
Véi m=-2 tacod y (x):x -4x+3=0< 3,hamso c6 hé s a:§>0 nén
X =
d6 thi ham s6 ¢6 dang cht N, suy ra x=1 la diém cuc dai ciia ham s6.
Vay khong cd gia tri nao cua m thdéa man.
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Céu 30: Pap an C.

Phuong trinh hoanh d6 giao diém x> +1=x>+x < x’ -2’ —x+1=0< x =11
Cau 31: Pap an D.

Ji 52y "“"* | Phuong trinh hoanh db giao diém ctia cac do thi ham s8 y = x*va y=x c6
o R==hldK 1 nghiémla x=0;x=1.
&
Dién tich hinh phzfmg cantim la: S= I:‘xz — x‘dx = % .

Cau 32: Dap an B.
Goi I va I' Ian luot 1a tAm ctia cdc hinh binh hanh ABCD va A'B'C'D'.
Khi d6 1(2;-1;0) va I'(L,1;4)= I1=(1,-2;-4).

x=1+0=1
Theo tinh chat ciia hinh hép suyra I'T=D'D={y=-2+3=1
z=—4+5=1

Suyra x=y=z=1.Khido x+2y-3z=0

Cau 33: Pap an D.

Cich 1: Giast z=x+yi, (x, y€R) :>|z|=m

z-4+3i]=3 & (x~4) +(y+3) =9 (1)

= Diém biéu dién M(x;y) ctia s phtec z trong mdt phang Oxy ludn thude

duong tron (C) c6 phuong trinh (1), (C) co tam 1(4;—3) ban kinh R=3.Ma

|z| = ‘O—AZ‘ =0OM
;A Suy ra |z| l6n nhat < M e(C ) sao cho OM 1én nhit < diém [ thudc doan OM
0 3 X, -Phuong trinh duong théng OM la y= _% x

- Giai hé phuong trinh toa d¢ giao diém cia OM va (C ) ta duwoc x = %,y = —g
Y/ S I

hodc x= %,y = —% So sénh |z|=/x* +y* suy ra md dun 16n nhét ctia s6 phc

z laz|=8.

Cich 2: Ta c6 (x—4)2 +(y+3)2 =9.
Pyt =(x—4) +(y+3) +8x-16-6y-9=9+8x—6y-16-9
=8x -6y —16=2(4x -3y -8)=2[4.(x—4)-3.(y+3)+17

Ap dung bat déng thirc Bunyakovsky ta c6

[4(x=4)+(-3).(y+3)] =(3*+4) (x~4)" +(y+3)' |
2[4.(x—4)—3(y+3)+17]sz.[\/(32 +4).((x=4) +(y+3) ) +17}=64
@Wﬁ@:S

Vay mo6 dun s6 phtic z; la |zO | =8.

Cdch 3 : Ta c6 OM 16n nhat khi va chi khi 1 e OM .
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STUDY TIPS
Cha y diéu kién
log, x > 0. Nhiéu doc
2
gia khong chti y, nén
chon A la sai.

Suyra OM_, =OI+IM=+3*+4> + R=5+3=8
Cau 34: Dap an B.

log{log1 xJ<1<:>0<10g1 x<3

2 2
<:>1>x>(lj3 <:>l<x<1
2 8
Cau 35: Dap an B.
T gia thiét ta chitng minh dwoc cac tam giac ACS vuodng tai C.
Goi E la tam duong tron ngoai tiép tam giac SBC, r la ban kinh duong tron ngoai
tiép tam gidc SBC . Ké duong thang d, qua E vudng géc véi mat phang (SBC )

tai E. Ké d, la trung truc cia canh AC. d, nd, =1.Lacnay I la tam mat cau ngoai

ti€p hinh chop S.ABC.
SCSB.BC av2.a5.0 a10
taco: r= = = =CE
4S5pc 4 laz 2
2

(Tinh dién tich tam gidc SBC bang cong thitc Hé rong)

Trong tam giac vudong AFI ta co

2 2
Al=\FA? + FI* =\CE? + AF* = 1(2:1 +%=a\/2ﬁ

Cau 36: Dap an D.
Phan tich: O cau nay, c6 hai an, nén ta c6 thé st dung dix kién dé bai dé€ duwa vé
ham mot an.
Loi giai
Do thé tich cia bé ca la 72dm’ nén ta cod 72 =3ab < b= 274.
Vay tong dién tich nguyén liéu d& lam bé dwoc tinh bang cong thc:

S=f(a)=33.a+23b+ab <:>f(u):9u+6.%+u.%:9g+%+z4

Ap dung bat déng thirc Cauchy cho hai s6 duong ta duoc:

9a+&22,/9a.% =72
a a

< f(a)272+24=9

D&u bang xay ra khi 9a=%©a=4:b=6.
a

Céau 37: Pap an C.

1 3.

T, . T
Z=—+——1=Ccos—+1i.sin—
3 3

z+l=1c> 2 2
z 1 \/3 T .. i
z=———i=cos| —— |+i.sin| —=
2 2 3 3
Cdach 1: Ty luan
THL V6i 72+ 33 g 12133,
2 2 z 2 2
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Khi d6: z**" =cos 2017m +1.sin 2017m =l+£i
2 2
1 2017n . . 2017n 1 /3.
; = —1.si =———1.5 i =1.
va v cos 3 i.sin 3 5" i.Suyra: z —

TH2: nhu truong hop 1

2017 1 -1

Cdch 2: Sau khi ra két qua z ta an may tinh z -

Cau 38: Dap an B.

Ta co: J(2x+3)exdx =(ax+b)ex, nghia la: [(ax+b)ex] =(2x+3)e"
<:>a.e"+e"(ax+b)=(2x+3)e" <:>e"(ax+a+b)=(2x+3)e"

Dbng nhat hé s6 ta dwgc: =2 va b=1.Vay a+b=3.

Cau 39: Pap an A.

Phwrong trinh m.ln(l—x)—lnx:m (*) c6 nghiém xe(O;l)

= m.[ln(l—x)—l:lzlnx

Vi x&(0;1)nén: In(1-x)-120.

Inx

Tk d6: m=————=f(x
ln(l—x)—l f( )
I bén day ta stt dung chitc nang TABLE ctia may tinh dé€ xét dang diéu do6 thi,
é ﬁﬂz ?EQEEE tinh don diéu ctia ham s8, qua bang cac gia tri cia ham sd trén (0; 1) .
.2l .
Bam 7, nhap f(x) __ Inx
Math ln(l—x)—l
| Fu
y| "0.3|0.BE74 " A " A
5 i | 0- EOEY (1) Bam Start, nhap 0 (2) Bam End, nhép 1
2o (3) B4m Step, nhap 0,1
u 6 et (4) Nhin vao bang ta thdy ham s6 f (x) :ln—x nghich bién trén (O; 1) .
IR b In(1-2)-1
5l mhe |0 0555
Do Vay d& phurong trinh (*) 6 nghiém trén (0;1) thi ta
Wath Xét 1 T Kh 0 th Inx - -
F i) t i .Tacé khi x — 0 thi .
s g ) TaORR T 0 1) 0 n(1-x) 11
I HoERkoRl
' Vay lim f(x) =400

x—0
Mt khac Iinl1 f (x) =0 . Do vay d€ phuong trinh c¢6 nghiém thi m e (0; +oo)
Céu 40: Pap an C.

p L3)-2t43-0ctt
Aed= A(t+1;2t-3,2t). Ae(P)=2(t+1)+2(2t-3)-2t+3=0ct M

:AE;_;%); M ed = M (u+1;2u-3,2u)

11 23 7 11
2 2 2 u:_:>M1 —, =,
1 1 1 12 12° 6 6
MA=2s|u—-——| +|2u——| +|2u——=| =4 <
4 2 2 5 7 23 5
U=——=>M,| —;——;—
12 127 6 6
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STUDY TIPS
Xét ham s6 y = f(x) xac
dinh va don diéu trén I
(voiIla mot khoang (ntra
khoang); doan (nkta
doan). Khi do:
f(u) :f(v) Su=v
a. Néu ham s6 f(x)
dong bién trén I thi
f(u)zf(v) Suxv
b. Néu ham s§ f(x)
nghich bién trén I thi
f(u)zf(v) Susv

STUDY TIPS
Pé cho hai dit kién,
nhung ¢ 3 &n cua tim
I. Nhung chu y vé
phuong trinh mat
phing (P) ta ¢ thé

bidu dién y, theo x, .

2. 23 +2 7 —E+3
12 6) 6

A[M(P)]= ; =

]_‘2.(12}2(6}6%. :

d[ M,;(P)]= .

Cau 41: Pap an D.

Tacé log,5>log, 5= x>t ;
log,3>1>log, 5= y>x ;
log,10>1log,9=log,3= z>y.Vay z>y>x>t
Cau 42: Pap an D.

Cich 1:

Diéu kién xdc dinh x>0.Ta c6

3 3 <y 2y & 3P 1 2x <37 422 (1)

Xéthams8 f(t)=3""+* v6i t20.Taco f'(t)=3""In3+2t>0, Vt>0.
Vay ham s6 f (t) dong bién trén [O; +oo) .

Suy ra (1)<:>f<x/£)sf(x)c> 2x <x<x>2 hodac x<0.

Két hop voi diéu kién x > 0 ta duoc tap nghiém ctia bat phuwong trinh la
[2;+0)U{0}.

Cch 2:

V6i x=1 ta c6 bt phuong trinh: 32" 32 <1 & B(Bﬁ - 3) <-1 (v0ly). Loai
A, B.

V6i x =0 ta cd bat phuong trinh: 3—-3<0 (thoa man). Vay chon D.

Céu 43: Pap an D.

Goi tam I(a;a—3;b) thudc mat phang (P) :x-y—-3=0.

Do mét cau di qua hai diém A(1;2;1),B(3; 2;3) nén IA=IB=R.

Suy ra

(a—l)2 +(a—5)2 +(b—1)2 =(¢1—3)2 +(a—5)2 +(b—3)2 Sa+b=4<b=4-a

Khido R=\(a=1)" +(a=5) +(3-a)

=32 ~18a+35=3(a-3) +822\2
D&u bang xay ra khi va chi khi a=3.
Cdu 44: Dap an A.

Hinh nén c6 géc & dinh 90°, ban kinh hinh tron ddy la a nén r =a,h =a. (Do tam

.7 A 7 A 2 N 2 7 7 A 7 A R ]- AN
gidc vuong cd trung tuyén ké tir dinh c6 goc vuong cé do dai bang 5 canh huyén.

na’

Khi d6 thé tich cia hinh nén V = %n.az.h ==
Cau 45: Pap an B.

Phuong trinh m3t phang (ABC ) la
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STUDY TIPS
Trong cac bai toan vé
cuc tri trong hinh hoc,
ta rat hay stt dung tinh
chét: trong tam giac
vudng thi canh goéc
vudng nho hon canh
huyeén. O bai toan nay,
ta xac dinh duwoc boi
cac canh AD; BD; CD la
cac yéu to da biét
khong déi.

STUDY TIPS
Véi bai toan nay
y = ‘f(x)‘ ludn 1én hon
hoic bing 0. Nén ta
phai 1ay ddi xing phan
d6 thi ndm phia dudi
truc hoanh qua truc
hoanh, ttr d6 ta c6 bang
bién thién nhu hinh
bén.

X,y
3 2

Dé thiy D e(ABC). Goi H,K,I Tan luot 1 hinh chiéu ctia A,B,C trén A.

Do A la duwong thang di qua D nén AH < AD, BK < BD,CI <CD (trong tam giac
thi canh géc vudng nho hon canh huyén).

Ma De(ABC)=D=An(ABC).

Vay d& khoang cach tir cdc di€ém A,B,C dén A lalénnhatthi A la duong thing

+Z-1e2x+3y+2-6=0.

di qua D va vuodng goc voi (ABC )
x=1+2¢

Vay phuong trinh duong thing A la: y =1+ 3t(t € R) .
z=1+t

Kiém tra ta thay diém M (5; 7;3) eA.

Cau 46: Dap an D.

Tacod x* —4x*+3=0<x" =1

hodc x* =3 < xe {—1,' ~J3:1; \/g}

Suy ra bang bién thién cia ham s6 y = ‘x“ —4x* + 3‘ nhu sau:

2 0 1 V2 NER

3 -1
78 I SN EESNE BN

y +00 3 +00
\o/l\o/ \0/1\0/

Do d6 ‘x“ —4x* + 3‘ =m c6 dung 4 nghiém phan biét < 1<m <3 hodc m=0

X —00

Cau 47: Pap an A.

Ap dung cong thitc voi A=94,970,597, n=3, i=1,03% ta duwoc S~98 triéu
ngudi ta duoc 94,970,597.(1+1,03%)  ~98 triéu nguoi

Cau 48: Pap an B.

Ta co:

nlnn—jlnxdx =nlnn—(xlnx|: —]ldx] =n-1.
1 1

Suyra n-1<2017 < n<2018.
Cau 49: Dap an A.
TXD: D=R\{m}. Ham s6 c6 TCD <>ac—bd #0 <> 1—m’ #0 <> m#+1.
Cau 50: Pap an B.
Tap xac dinh D =(0; 4) tir day ta loai C, D.
_4-2x

Laico f/(v) =5 = f/(3) =~ losi A,

334 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thii ting kem



25 dé cot 16i Toan 12

Ngoc Huyén LB - facebook.com/huyenvu2405

BE ON LUVEN S0 23

Cau 1: Phuong trinh log) x—5log, x+4=0 0 2
nghiém x,,x, khi d6 tich x,.x, bang:

A.16. B. 36. C.22. D. 32.

Cau 2: Tim tat ca cac gid tri cua tham sd m d€ ham
s6 y =%x3 +(m—-1)x +(2m—3)x—§ dong bién
trén (1;+oo).

A. m>,2. B.m<2. C.m<1l. D.m2x1.
Cau 3: Cat hinh nén dinh S béi mat phang di qua
truc ta dwoc mot tam giac vudng can cé canh
huyén bang a\2 . Goi BC 1a day cung cua duong
tron ddy hinh nén sao cho mat phang (SBC) tao

v6i mat phang ddy mot goc 60°. Dién tich ctia tam

giac SBC bang:
A a B A2 C 23 D 22
— 5 G5 D~

Cau 4: Tim m d€ ham so:
1 3 2 2
=—x"—mx"+(m " +m-1)x+1
y=3 ( )
dat cuc tri tai 2 di€ém x,x, thoéa man |x1 +x2| =4

A.khong ton taim.  B. m=2.
C.m=-2. D. m=%2.
Cau 5: Tinh dao ham ctia ham s& y =2017".

A. y'=2017". B. y'=2017"1n2017.
2017*
= ) D. y'=x.2017"".
Y In2017 y

Cau 6: Choham s8 y = f(x) c6 do thi nhu hinh vé
bén. Xéc dinh tdt ca cac gia tri cua tham s& m dé

phuong trinh | f (x)| =mcéd dung 2 nghiém thuc

phan biét.
Ay
| x”
1
1
A.m>4,m=0. B.3<m<4.
C.0<m<3. D. 4<m<0.

Cau 7: Tim gia tri 16n nhat caa ham s6:

y=f(x)=x\/ﬁ.

2 1
s )
B. max= (—2] = l .
[-1:1] 2 2
2
¢ f[“l"f‘fﬁf[?]:“
D. max = {QJ = 1
R 2 2

Cau 8: Cho hinh lang tru ding ABC.A’B'C’ c6 day
ABC la tam giac vuong tai A, AC=a; ACB=60".
Duwong chéo BC’ ciia mat bén (BB’C’C) tao voi mat
phang mp (AA’C’C) mot géc 30° . Tinh thé tich caa

mdi khéi lang tru theo a la:
A V=de. B.V=a3¥.

C.V=a3¥. D.V=a3§.

Cau 9: Hinh chép t& gidc S.ABCD c6 day la hinh
chit nhat canh AB =4a, AD = 3a; cic canh bén déu
c6 dd dai bang 5a. Thé tich hinh chép S.ABCD
bang:
94°\/3

5
104°

5

Cau 10: Nguyén ham ctia ham s6: y = cos” x.sin x la:

A. 92°43. B.

C. 10a°/3. D.

1
A. —cos’x+C. B. gcos3x+C.

C. —1cos3x+C. D. %sin3x+C.
Cau 11: He thtrc lién hé gitra gia tri cuc dai v, va
gid tri cue ti€u y,., cua d6 thi ham s y=x> -2x
A. Yer YYep =0. B. ZyCD :3yCD'
CoYer =2Ycp - D.Yer =VYep-
Cau 12: Cho ham sd y=f (x) xac dinh, lién tuc

trén R va c6 bang bién thién:

x —o0 -1 0 1 +00
y - 0 + 0 - 0 +
y 2

NSNS

Khang dinh nao sau day la sai?

Pat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 335



Cong Pha Toan

The Best or Nothing

A. M (0;2) dwoc goi la diém cyc dai ciia ham sd.

B. Ham s6 d6ng bién trén cac khoang (—1; 0) va
(1; +oo) .

C. x, =1 dwoc goi la diém cuyee tiéu ciia ham s0.

D. f (—1) duoc goi la gid tri cuee ti€u ctia ham so.
Cau 13: Nguoi ta xép 9 vién bi c6 cung ban kinh »
vao mot cai binh hinh tru sao cho tat ca cac vién bi
déu tiép xtc véi ddy, vién bi ndm chinh giita tiép
xtc véi 8 vién bi xung quanh mdi vién bi xung
quanh déu tiép xtc vdi cac duong sinh ctia binh
hinh tru. Khi d6 dién tich ddy ctia cdi binh hinh
tru la:

A.l6m®. B.9nw®.  C.36w’. D.18m*.
Cau 14: Phuong trinh 9" —2.6" + m*4* =0 ¢4 hai
nghiém trai ddu khi:

A. m<1. B. m<-1 hodac m>1.

C.m e(—l;O)u(O;l) . D.m=>-1.

Cau 15: Cho hinh chép S.ABCD c6 day la hinh
vuong canh a; hinh chi€u cta S trén (ABCD) trung

v6i trung diém cta canh AB; canh bén SD :%.

Thé tich ctia khdi chép S.ABCD tinh theo a bang:

3 3 3 3
PN A R L)

3 3 3 3
Cau 16: Cho hinh chop S.ABC c¢6 day la tam giac
vubng can tai B; AB=a, SA L(ABC). Canh bén

B

SB hop v6i ddy mot gée 45°. Thé tich ctia khéi
chép S.ABC tinh theo a bang:
3
w3 . D.L.
3 6 6
Cau 17: Cho ham s8 y=x"-x-1 ¢6 d6 thi (C).

a3\/§ 3

A.

3
B. L. C.
3

Phuong trinh tiép tuyén cua (C) tai giao diém caa

(C) véi truc tung la:
Al y=2x+2. B. y=—x+1.
Cy=—x-1. D. y=2x-1.

Cau 18: Tich phan I = I xInxdx bang:
1
l. B. Izg.
2 2
2 2
e +1. D. 1.8 —1.
4

Cau 19: Cho ham s8 y=x>-3x+2 c6 do thi (C).

A I=

C.I=

Goi d la dudng thang di qua A(3;20) va c6 hé s§

géc m. Gid tri ciia m d€ duong thang d cat (C) tai 3

diém phan biét la:
A.m<E,m¢Z4. B.mZE.
4 4
C.m>1—5,m¢24. D.m<1—5.
4 4

Cau 20: Tap nghiém cua bat phuwong trinh
x+2
3-2x

A.T= é;—i—oo . B. T= —2;l .
2 3

C.T= —2;l . D. T= —oo;l .
3 3

Cau 21: Thiét dién qua trung cua mét hinh tru la

>0 la:

log,
2

mot hinh vudng canh a, dién tich toan phan cua
hinh tru la:

2

A 3M B. Két qua khac.
2

C. 3’;” D. 3na’.

Cau 22: Cho hinh tam giac ABC vuong tai A c6 goc
ABC=30° va canh géc vudng AC=2a quay
quanh canh AC tao thanh hinh nén tron xoay co6

dién tich xung quanh bang:

A. 16ma>3. B. 81a’+/3.
C. 2ma”. D. %nazx/g.

Cau 23: Nguoi ta got mot khdi 1ap phuong gb dé
1ay khoi tdm mat déu ndi ti€p no (ttc la khoi cd
cac dinh 1a cac tdm cta cac mat khéi lap phuong).
Biét cac canh cta khéi lap phuong bang a. Hay
tinh thé tich ctia khoi tAm mat déu do:

3 3 3 3

AL B A c. D. Z.

4 6 12 8
Cau 24: Cho ham sd y=f (x) lién tuc trén doan
[a;b} . Dién tich hinh phéang giéi han boi duong
cong y=f (x), truc hoanh, cac duong thang

x=m;y=>b la:

A. j\f(x))dx. B. jf(x)dx.
. j f (<. D. _i f(x)i.

Cau 25: Hinh chop t& gidc S.ABCD c6 day la hinh
chit nhat canh AB=a, AD=a+2,5A 1 (ABCD),
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géc gitta SC va ddy bang 60°. Thé tich hinh chép
S.ABCD bang:

A.3V2a. B.\es’. C.3a>. D.2a.
Cau 26: Cho log,3=4;log,5=>b. Khi d6 log,, 90
tinh theo 4, b bang:

A ab+2a+1‘ B. ab—2a+1‘
a-2 a+2

C. ab—2a+1. D. ab+2a+1.
a+2 a+2

Cau 27: Thé'tich (cm3 ) khéi t dién déu canh bang

zcmléu
3
A2 2B B2
81 81 18 3
CAu 28: Tinh dao ham ctia ham s6 y=lnx_1.
x+2
-3 -3
Ay=—— B y=——7——.
(x-1)(x+2) (x-1)(x-2)
Cy'= 3 ' 3

(x-1)(x+2) P

Cau 29: Cho lang tru ABC.A’B’C’ c6 day la tam
giac déu canh a. Hinh chiéu vudng goc cua diém
A’ 1én mat phang (ABC) trling véi trong tam cta
tam giac ABC. Biét thé tich cua khéi lang tru la

23

. Khoang céch gitta hai duong thing AA’

4
va BC la:
A3 g 32 p2
2 3 4 3

Cau 30: Gia tri ctia tham s6 m d€ phuong trinh
4" -2m.2" +2m =0 c6 hai nghiém phan biét x,;x,
sao cho x, +x, =3 la:
A.m=-1. B.m=3. C.m=4. D. m=-2.
Cau 31: Giai phwong trinh:
2log, (35—2)+10g3 (x —4)2 =0.
Mot hoc sinh lam nhw sau:

()
Bwdc 2: Phuong trinh da cho twong duong voi
2log, <x—2)+210g3 (x—4):O

2
Budc 1: Diéu kién: {x g
x#4

Budc 3: Hay la log, [(x — 2)(x — 4)] =0

<:><x—2)(x—4)=1<:>x2—6x+7=0

x=3+2
= x=3-2
Dai chiéu véi diéu kién (*), suy ra phuong trinh
da cho c6 nghiém 13 x=3++/2
Bai giai trén dung hay sai? Néu sai thi sai & budc
nao?

A.bang. B.Buwdéc3. C.Budcl. D.Budc?2.
Cau 32: Mot hinh tru ¢6 duong kinh day bang
chiéu cao va noi tiép trong mat cau ban kinh R.
Dién tich xung quanh ctia hinh tru bang;

A.27R*. B.4nR*. C.2v27R%.D. \27R’.
Cau 33: Cho ham s y=x"-6x"+9x-2(C).
Duong thang di qua diém A(—l;l) va vuong goc

v6i duong thang di qua hai diém cuc trj ctia (C) la:

-1 3 1 3

A y=—x+—. B.y=—x+—.

YT, Y721y
C.y=x+3. D. x-2y-3=0.

Cau 34: Cho t& dién MNPQ. Goi I; J; K Tan lwot 1a
trung diém caa cac canh MN; MP; MQ. Ti s thé

1%
tich —MYK 13:

MNPQ
At sl il pl
3 4 6 8

Cau 35: Tim tap xac dinh cta ham s6:
y=log2<x2 —x—6).
A.[-2:3]. B. (—o0;-2 L[ 3;+0).
C. (—0;-2)U(3;+0). D. (-2;3).
Cau 36: Cho hinh chép S.ABC c6 day ABC la tam
gidc déu canh bang 1, mat bén SAB 1a tam gidc déu
va nam trong mait phang vudng goc véi mat
phang ddy. Thé tich ctia khdi cau ngoai tiép hinh
chép S.ABC béng:
o w15 o o5mf15 L 4mf3 ) 5m15
24 72 27 54
Cau 37: Tim tat ca cac gia tri m d€ ham s6

2
Ls MY 5y 42017 dong bién trén R.

Y=3
A 202<m<2J2. B.m<2\2.
C. 22 <m. D. 22 <m<22.

Cau 38: Cho hinh nén dinh S, day la hinh tron tam
O, thiét dién qua truc la tam giac déu canh g, thé

tich ctia khoi nén la:
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A. %mf\/g. B. 2—147m3\/§.
C. inasx/g D. lnasx/g
12 ’ 8 '

Céu 39: Tong ctia gia tri 16n nhat va gia tri nho

nhét cia ham s6 y=x>-3x* +1 trén doan [—2;4:' la:
A, -22. B. -2. C. -18. D. 14.

Cau 40: Cho hai s8 thuc a, b véi 1<a<b. Khang

dinh nao sau day la dung?

2017 )’
A. log,,, 2017 <1. B. (mj <lex>0.
C. [%j <l<x>0.D. log,,, 2016 >1.

Cau 41: Ham s8 1—"(x):11r1(x+\/x2 +a)+C(a>0)

la nguyén ham ctia ham s6 nao sau?

1 B 1

Cia 'x+\/x2+u'
C.Vx*+a. D. x++vx*+a.

Cau 42: Thé tich cta khoi tron xoay khi cho hinh

A.

phang giéi han béi Parabol (P) :y=x" va duong
thang (d) : y = x xoay quanh truc Ox bang:

A. nj.xzdx - nj[ x*dx. B. nj.xzdx + n_l[x“dx )
0 0 0 0

C. nj.(xz —x)2 dx . D. nj.(xz —x)dx.
0 0

Cau 43: Tim gid tri 16n nhat cia ham s&
y=x"—x"—8x trén doan [1;3].

A. maxy=-8. B. maxy:ﬁ.
[1:3] [1:3] 27

C. maxy=-6. D. maxy=-4.
[1:3] Y [1;3]y

Cau 44: Mot nguoi gui tiét kiém ngan hang, mdi
thang gui 1 triéu dong, véi lai sudt kép 1% trén
thang. Gtii duoc hai nam 3 thang nguoi do6 co
cong viéc nén da rat toan bo goc va lai vé. SO tién
nguoi do duoc rut la:

A. 101 (1,01)” ~1] triéu dong.

B. 101.[(1,01)2"’ —1} triéu dong.

C. 100, (1,01)" 1| triéu dong,

D. 100.[(1,01)6-1] triéu ddng.

Cau 45: S8 nghiém ctia phuong trinh 22 7% =1 1a:
A. 3. B. 0. C. 1 D. 2.
Cau 46: Chohams8 f(x)= 3" 4* . Khing dinh nao
sau day la sai?
A. f(x)>9 e x* +2xlog,2>2.
B. f(x)>9 < 2xlog3+xlog4>log9.
C f(x)>9<:>x210g23+2x>210g23.
D. f(x)>9 < x’In3+xIn4>2In3.
Cau 47: D6 thi trong hinh bén dudi la mot ham s6
trong bon ham s6 dwoc liét ké ¢ bén phuwong an
A, B, C, D dudi day. Hoi ham s6 d6 la ham s6 nao?

A
L
1
:
o
— ol N
-z\ L1 X
1
-
A =x+2. B.y=2x+1.
1-x x—1
:x+1 D :x+2'
x—1 x—1

Cau 48: Nguyén ham ctia ham s0 f x)zx.ez" la:
A. F(x)=2.¢"(x-2)+C.
B. F(x)=2.¢ (x-2)+C.
C. F(x)zl.ez"[x—lj+c.
2 2
D. F(x)=2.ez"(x—%J+C.

Céau 49: Tim tat ca cac gid tri cia tham sd m dé

phuwong trinh —x* +2x* +3+2m=0 c6 4 nghiém

phan biét:
A. —2§m§_?3. B.3<m<4.
C. —2<m<_—3. D._—3<m<2.
2 2

Cau 50: Dién tich hinh phang gi6i han boi cac
duong y=x* va y=2-x"la:

A. Zj(l—xz)dx. B. Zi(l—xz)dx.
-1 0

C. 2?[(3(2 —1)dx. D. 2j.(x2 —1)dx.
) 0
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STUDY TIPS
Véi cac bai phwong
trinh logarit dang nay,
nén cha y
log x+log y =log, (xy)
Véi x;y >0;0<a=1
dé ap dung nhanh hon
thay vi giai truc ti€p va
cong lai.
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PAP AN
1D | 6A | 11.A | 16.D | 21.A | 26.D | 31.D | 36.D | 41.A | 46.B
2D | 7B | 12A | 17.C | 22.B | 27.A | 32.A | 37.A | 42A | 47.D
3B | 8A | 13B | 18.C | 23.B | 28.D | 33.B | 38.B | 43.C | 48.C
4C | 9.C | 14C | 19.C | 24.A | 29.C | 34D | 39B | 44.A | 49.C
5B | 10.C | 15.D | 20.C | 25.D | 30.C | 35.C | 40.C | 45.D | 50.C

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Ta thdy dé yéu cau tim x,;x, ma ta c6 tinh chat log, x, +log, x, =log, (xlxz)
(Voi x;x, >0;0<a=1).
Coi phuong trinh da cho la phuong trinh bac hai véi bién log, x .
Do phuong trinh luén cé hai nghiém nén 4p dung Viet ta cé
log, x, +log, x, =5 < log, (x,x,) =5 xx, =2° =32.
Cau 2: Pap an D.
Taco y'=x*+2(m—1)x+2m-3=(x+1)(x+2m—3)>0 véimoi x & (1;+x).
Do x>1 nén (x+1)>0, nén (x+2m—3) phai >0 véimoi x>1
x+2m-3202m-220m=1
Cau 3: Pap an B.
Dung dwoc hinh vé, xac dinh duoc goc gitta (SBC) va day la goc SFO
+Goi O la tam ddy. Goi F 1a trung diém cua BC. Luc nay ta c6 OF L BC.
Mat khdac tam gidc SBC can tai S. Nén SF L BC

Suy ra SFO=((SBC),(4BC)|-60°

Xét tam gidc SAB vudng can tai S c6 canh huyén bang a2

5

Suy ra: OB=OA=OC=a72=SO;SA=SB=a:>SC=a
Xét tam gidc SFO vuong tai O c6 SFO = 60".
J6 SO a6

Suy ra OF =50.tan30° = —a; SF =— =
6 sin60° 3

Tam gidc SBC can tai S, nén SF vuong goc voi BC.

o _[af6) 2043
3
. a=

BC=2ySC*> -SF?* =2 |a

3

22

3

Sepe = 1SF.BC=

SBC T~
2

1243 4o
2 3 3

Cau 4: Dap an C.

Cich 1:

+Tim dao ham y'=x> —2mx+m* + m—1

+ Quan sat dap an thay cé 3 gia tri caa m. Thay tung gia tri ctia m vao roi nhan
nghiém xem phuong dn nao dung.

Lueu y: Cic ban nén linh hoat ding mdy tinh cim tay vao két hop v6i kha ning nhim

trong diu.
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Cadch 2:
Tacod y'=x —2mx+(m2 +m—1).
STUDY TIPS
Khoéng bo truong hop Dé ham s6 ¢6 hai diém cue tri x =x;x =x, thoéa man |x1 + x2| =4 thi
cua tri tuyét d6i. ta nén
N 2
binh phuong (-m) —(mz +m—1)>0 m<1
‘x1+xz‘:A 5 P _+2<:>m:—2.
(2m) =16 m==x

= (X1 +X2)2 =A?
Cau 5: Pap an B.

Ap dung cong thixc tinh dao ham: (a* )' =q"Ina

A
y
P p
Fa o Ap dung cong thtkc trén ta duoc dap an: 2017*.1n2017
. Cau 6: Dap an A.
3 Dung d6 thi ham s6 m = | f (x)| . Git nguyén phan d6 thi phia trén truc Ox. Lay
.O | 5 d6i xting phan d6 thi phia duéi truc Ox qua truc Ox.
_2_1: 1: 2 x Ta dwoc m>4 va m=0
Cau 7: Pap an B.
€ + D€ tim max hay min ctia ham f (x) voi x thudc [a;b] nao do. Ta tinh gia tri
ctia ham s6 tai céc diém f(a), f(b) va flcuc tri) va gid tri nao 1a 16n nhat va nhé
nhat.
+ Két hop vo6i phuong phap thé x vao trong may tinh d€ tinh toan
+ Loai luén D vi khong thdéa man diéu kién cta x
+
Ta co: f’(x):\/l—x2 XX ;f’(x):()@xzi
V1-x? 2
V2] 1 (2] 1
=107 |35
Ttr day so sanh cac gia tri ta chon B.
A €’ Cau8: Pap an A.
BA vudng goc véi (AA’C’C) nén goc giita BC’ va (AA'C’'C)1a 30° = AC'B ;
B~
AB:\/ga;BC=2a
Xét tam gidc ABC’ vuédng tai A c6 AC'B=30", AC'= AB.tan60 =3a
aks-1-- b ¢ Tinh duge CC'=yAC?- AC? =2\2a

J 1% =5h=5h=%\/§.a.2ﬁa=\/8a3

B Ciu 9: Pap an C.

Do cac canh bén déu c6 do dai bang 54 nén dudng cao ctia hinh chép 1a SO véi
O la tam ctia hinh chi nhat ABCD.

AC=BD=5a;A0=2,5a

Xét tam gidc SOA vudng tai O ta c6: SO =+/SA> - AO? = ?a

1 5V3

1
V =3508 5 =5~ 230 da= 102°/3

Cau 10: Pap an C.

cos® x

Ta cé Icosz x.sin xdx = JA—c:os2 xd(cos x) =— +C
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STUDY TIPS
Diém cyec tri cia ham
s6 x =X, .

Con diém cuec tri ctia

do thi ham s6 14 diém
c6 tung d9, hoanh do
xac dinh.

S

R T

Cau 11: Pap an A.

=0

y'=3x2—2=0:>x1=§;x =£ = =—¥;y

46
27 3 ! 9

2= YitY,
Cau 12: Pap an A.

Asaivi M (0; 2) l1a diém cuc dai cia d6 thi ham s6, con diém cuc dai cia ham
s6la x=0.

Cau 13: Pap an B.

+ Tinh ban kinh ctia dién tich ddy hinh tru: R=r+2r =3r

Dién tich day: nR* = Tt(3r)2 =9nr’

Cau 14: Pap an C.
+ Chia ca phuong trinh cho 4" r6i ddt 4n phu (%J =a .

V6éi x>0 thi a>1;x<0 thi a<1

Véi m=0 thi phuong trinh c6 mot nghiém. Khong théa man yéu cau dé bai.
Véi m#0 thi

Dit an phu nhu trén ta dwoc phuwong trinh: —a* +2a =m’

Dét a=b+1 ta dwgc phuong trinh: b* =1-m*

b€ phuong trinh ban dau c6 2 nghiém trai ddu thi phwong trinh trén cling can
¢6 2 nghiém trai ddu (1 -m? ) >0 -1<m<1kéthop véi m =0 ta duoc
me(-1,0)u(0;1).

Cau 15: Pap an D.

Goi H la trung diém ctia ABnén SH L (ABCD)

2
Lai c6 DH = /;f{%} =§a

2 2
Xét tam giac SDH vudng tai H: SH =SD*> - DH* = \/(%a} —[ﬁa] =a

2

:V:ls SH:lrf
3 3

ABCD*
Cau 16: Pap an D.
Ta c6 AB la hinh chiéu ctia SB 1én mét phang (ABC) do SA 1 (ABC)

— (58.{BC)) - 5B - 45

Xét tam gidc SAB vuong tai A (do c6 2 goc ddy bang 45° vacé AB=a
3

a

R 1 a’
Nén SA=a, V=-Sh=——a=—.
3 2 6

W

Cau 17: Pap an C.

+ Xac dinh giao diém cua do6 thi vdi truc tung x =0

+ Viét phuong trinh tiép tuyén: y -y, = f '(xo )(x - xo)

Goi M la giao diém cua (C) va truc tung. Suy ra M(O;—l). y'=3x"-1.
Phuong trinh tiép tuyén tai M: y=-lx-1< y=-x-1

Cau 18: Dap an C.
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2
Cach 1: Dat lnx=u©1dx=du; xdx=dv:>x7:v.
X

2 PR 2 e o2 2 _ 2
Luc nay ta c6 =% Inx —jx—.lcixze——l.x2 _e el _exl
2 1 92 «x 2 4 1 2 4 4
Cdch 2: St dung may tinh dé thi két qua.
Cau 19: Dap an C.
STUDY TIPS (4):y=mx+a.

Cha y dieu kién Thay diém A(3;20) vao ta dwoc 3m+a=20<a=20-3m = y=mx+20-3m
phuong trinh c6 hai o, )
nghiém phan biét, ma Dé d cat d6 thi tai 3 diém phan biét thi phuong trinh ¢ 3 nghiém phan biét
hai nghiém d6 phai X —(3+m)x+3m-18=0<>m(x-3)=x>-3x-18
khac 3.

(x—3)(x2+3x+6—m)=0

Thi phuong trinh x* +3x+6 - m =0 ¢6 2 nghiém phan biét khac 3

- A>0 .
biéu kién: f(3)¢0<:> A>0 va m=24
STUDY TIPS
B d6i linh hoat 3
ien Aot Anfyhoat cong A=3 - 4(6-m)>0e m>1
. log_b 4
thitc log, b = —>—;
log.a Cau 20: Dap an C.
loga(bc) 2
=1log, b+log, c biéu kién : x—+2x >0©—2<x<%
1
x<—
2 2 2 -1
log, 2 5002 <1 X2 gl 3
5 3-2x 3-2x 3-2x 3-2x 3
xXz—
2

Két hop diéu kién = x e [—2;%}

Cau 21: Pap an A.

- Mit cét ctia hinh tru nhu hinh bén

a Tinh duoc ban kinh ctia mit day khéi try 7 :g

2
ma

2
S, =S, +2S, =2m+2nrh=2n (Ej yond g2
P xq ay 2 2 2

Cau 22: Pap an B.

AC=2a ;Suyra AB= 2\/§a;BC =4q

Khi quay quanh canh AC ta degc mot hinh nén

Cé duong sinh 1=4a va ban kinh day la 24/3a

Ap dung cong thiic tinh dién tich xung quanh ctia hinh nén:
S, =Rl =4.2\/30* = 812 \/3 .

@)

i (z Cau 23: Dap an B.
. \+ < Trong sach “Cdng phd Toan 3” t6i c6 gidi thiéu cong thitc:
A 4 LN A Y 2 7 M 2\ x3\/5
Thé tich bat dién déu co tat ca cac canh bang xla |V = 3

a

V2

O day ta c6 ABCD la hinh vudng c6 duong chéo BD =a= BC=CD =
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STUDY TIPS
Chu y co sd

0<a:%<1 nén ta

phai dao chiéu bat
phuong trinh.

M [F] Math &
109y 50 90)-2E2E,

0

STUDY TIPS
Ta nhé nhanh céng
thirc tinh dao ham

ax+b) _ad-bc
MS?

cx+d

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405
3
&)
Vay V=rmmm— =g
Cau 24: Pap an A.
Day la cong thiic co ban tinh dién tich hinh phéng gi6i han boi cac duong cong

y=f (x) , truc hoanh, cdc duong thang x=a;y=b (ham s& lién tuc trén [a;b:' :

b
(s
Cau 25: Dap an D.
Do AC 1a hinh chiéu ctia SC 1én mat phang d4y nén ta c6 goc gitta SC va mat

day 1a SCA =60°((SC,(ABCD))=(SC, AC)=SCA )00

AC=,|a’ +(a\/§)2 =/3a.Suy ra SA= ACtan60° =3a

V= %SA.SABCD = %3a.a.x/§a = \/Ea3
Cau 26: Pap an D.

. log, 90
Cach 1: log,,90 = log—zlz;log2 12 =log, (3.4) =log,3+log,4=a+2

2

log, 90 =log, (2.45) =log, 2 +log, 45

log, 45
=1+ :1+a.10g3(9.5)=1+2a+alog35=1+2a+ab
log, 2
ab+2a+1
=log,,0=—-—
Siz a+2

Cach 2: Gan vao may va thue:

log, 3> A;log, 5— B. Thit ta thdy D thoa man.

Cau 27: Pap an A.

Trong sach “Cong pha toan” tdi c6 gidi thiéu cong thirc tinh thé tich khéi ti

dién déu cé canh a 1a

22

12

Thé tich ctia khoi tir dién déu la: |V =

Vay V = K— _NZ
v 12 81
Cau 28: Dap an D.

Ap dung cong thirc: (ln u)' L
u

x-1) 3
’ - 2
f(axm1) \aw2) (x42) 3 xe2 3
x+2 x-1 ¥=1 (y42) %=1 (x+2)(x-1)

x+2 x+2

Cau 29: Dap an C.

Phuong phép phd bién nhat d€ tim khoang cach gitta 2 dwong thang: tim mot

mat phang chita 1 duwong thang va song song véi duong thang con lai.
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STUDY TIPS
Twong tw nhu bai toan
s6 1 trong dé nay,
nhanh nhay st dung
tinh chat 2.2 = 21"
nhanh hon nhiéu so véi
viéc thtt dap an hodc
giai phuong trinh

STUDY TIPS
Chu y khi bién déi:
loga® = 2log|a nhiéu
ban lam giéng nhu ban
trong dé bai dan dén
két qua sai.

M CHMFLY [F] Math &

w3 gy E +gy-p-L3}

-2

Goi F la trong tam tam giac ABC.

Suy ra A'F la duong cao cua hinh lang tru

S a’.Suyra A'F=a

AABC =%a.a.sin60° =

AA’ song song v6i mit phang (BCC'B’) nén khoang cach giita AA’ va BC chinh
la khoang cach gitta AA’ va (BCC’) va ciing bang khoang cach tir A dén mat
phang nay.

BC vuong goc voi (FOE). Dung FK vuong goc véi OE nén EF = d(

2\/_

F,(BCCY)

Tinh AA'=\[(A'F)' +(AF) =237 a=0E

Xét hinh binh hanh AOEA”: d =khoang cach hinh chiéu cua A 1én OE

(A,(ABCD))

S

AOEA

=AO.A'F=0Ed =%a
Cau 30: Pap an C.
Ta c6 cong thic 27.2Y =2
Vay néu x,;x, lahai nghiém ctia phwong trinh da cho.
Neéu coi phuong trinh da cho la phuwong trinh bac hai an 2%, lacnay 2;2% la
nghiém ctia phuong trinh mai.
Ap dung dinh li Viet thi ta dwoc: 272" =2m < 2""™ =2m < 2° =2m < m=4
Cau 31: Pap an D.
Cong thirc loga® = 210g|a|
Nén 6 budc 2 da bién ddi sai biéu thic log, (x - 4)’
Cau 32: Pap an A.
Goi ban kinh day ctia hinh tru nay 1a r, ltic nay chiéu cao ctia hinh trula h=2r.
Mit khac hinh tru ndi ti€p mat cau ban kinh R nén ta c6:
2

R? =(Ej = o= R

2 7
R 2R _
N

Licnaytacd S, =2nrh=2n—=."==2nR"

Cau 33: Pap an B.
Trong sach “Cong phd toan” ¢ phan li thuyét vé cuc tri, téi c6 hudéng dan cach
viét phrrong trinh duong thang di qua hai diém cyec tri ctia @6 thi ham s bac ba

nhw sau:

Chuyén may tinh sang ché d

vy

18a
(3x2 ~12X +9)(6X -12)
18

An|CALdgan X =i (i 1a ntt RCL) ta duoc két qua nhu bén,

Vay phuong trinh duong thang di qua hai diém cyec tri ctia d6 thi ham s da

Nhép vao man hinh biéu thic y -

O day tanhap X° —6X* +9X -2 -

chola y=-2x+4.
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STUDY TIPS
O day b*-3ac chinh
la A cua phwong trinh
y'=0.

Do d vudng géc véi duong thang di qua hai diém cuc tri ctia d6 thi ham s6 da
cho nén d nhan 7 = (-1;2) 1am véc to phap tuyén:

d:—(x+1)+2(y—1)=0©y=%x+%.

Cau 34: Dap an D.
Trong truong hop nay dp dung cong thirc ti 1¢ thé tich gitra 2 hinh chép tam

o Vi ML MJ MK 1111
B Vo MN'MP'MQ 22728

Cau 35: Pap an C.

x? —x—6>0<:>(x+2)(x—3)>0<:>xe(—oo;—2)u(3;+oo)

Cau 36: Dap an D.

+ (SAB) L(ABC)= SE L(ABC)

Goi G va ] lan lugt la trong tam cta tam gidc SAB va ABC

Dung 2 duong thang lan luot di qua G; ] vudng géc lan luot véi 2 mit phang
(SAB) va (SBC) cat nhau tai I.( Hai duong thang nay chinh 1a hai truc duong
tron ctia tam giac SAB; SBC.

I'1a tam ctia mét cau ngoai ti€p hinh chép S.ABC.

GE = EJ nén GIJE 1a hinh vu6ng (hinh binh hanh c6 hai canh lién tiép bang

nhau va c6 1 goc vuodng)

Ban kinh: IC=,/I]> +]C* =
Thé tich khoi cau:

3
V=énR3=én V15 =5n\/ﬁ
3 3 54

Cau 37: Pap an A.

J15

6

6

2
Ham s6 y =§x3 - % +2x + 2017 ludén dong bién trén R
2 2
o b —3ac£0<:>(—%j —3.%.230@%32@—2\/§s;n32\/5
Cau 38: Pap an B.
Do thiét dién qua truc la tam gidc déu canh a nén khéi nén c6 chiéu cao

hzﬁ
2

2
_ . 2__|4a
Sday—nr —n(aj
1 1 43 2 1
V=-hS==——an—=— a3\/§
3T T T T

Cau 39: Dap an B.
Cdch 1: Giai phuwong trinh y'=0 ta duoc nghiém x, =0;x, =2

Lanluot tinh f(-2)=-19; f(0)=1; f(2)=-3; f(4)=17
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fr}ﬁ)](f(x) =17 va fglﬂ f(x)=-19.Téng ctia ching la -2.

Cdch 2: Ta c6 thé sit dung chirc nang TABLE ciing duoc két qua tuong tu.
Cau 40: Dap an C.

A saivi 2017 > 2016

Bsaivivoi a>1 thi a* >0 véi moi x dwong

Cdung vivoi a<1 thi a* <1 véi moi x duong.

STUDY TIPS Cau 41: Pap an A.
T dz;y ta cé cong thrirc Ap dung cong thtic:
'[ x*+a & ( i 1+
' X+ +a)' .
:ln(x+\/x2+a)+C (h1u')=1:>F'(x)= = Xt = !
u xtlP+a  xP+a VP +a

Cau 42: Dap an A.
Ap dung cong thikc tinh thé tich khéi tron xoay:

1
:>V=n”x4 —x2>dx
0

xZ:xc{
x=1

@Vzni(xz —x4)dx vi x% —x* >0 véix thudc [0;1]
0

STUDY TIPS Cau 43: Dap an C.

aA A~ . A _4
Nhleu4d()c gia khong y. —0e 372 -2y —_8=0< X, =—e[1;3];x2 -2
xét —3 -3 [1;3] nén 3

Taco f(1)=-8; f(2)=-12; f(3)=-6
Cau 44: Pap an A.

chon B la sai.

Dang: M6i thang déu giri vao s6 tién 1a a dong theo thé thw 13i kép voi

13i suét 12 x% = r méi thang. Tinh s6 tién thu dwgc sau n thang.

Loi gidi tong qudt
Cudi thang tht nhét, s3 tién nhan duocla A =a(1+7)
Cudi thang thi hai s6 tién nhan dwoc la

A, :[a(l+r)+a}(1+r):u(1+r)2 +a(l+7)

Cudi thang thi n s6 tién nhan duoc 1a

A, :a(1+r)n +a(1+r)nil +a(1+r)"72 +...+a(1+r)

_ n-1 n-2 _ (1 + r)n - 1
—a(1+r)[(1+r) +(1+7) +...+1} =a(1+7). »
< A BN 1.017 -1 2 A
Ap dung cong thizc trén ta dwoc 1.(1 + 0.0l).— = 101(1.01 - 1) triéu
dong.
Cau 45: Pap an D.
x=1
Phuong trinh twong duong voi: 2x* —7x+5=0 < 5
X =—
2

Cau 46: Dap an B.
Giai bat phuwong trinh
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f(x)=3"4">9 < log (3" 4"} >log9

< log 3+ log4* >1og9

< x’log3+xlog4 >log9

Két qua B sai.

Cau 47: Pap an D.

Tiém can ding x=1; tiém can ngang y=1. Loai B, A
V6i x=-2 thi y =0tk day ta loai C.

Cau 48: Dap an C.

bat x=u suyra dx =du;e*dx =dv suy ra v = %e“

F(x)=uv— J.vdu =%er" - J.%ezxdx =%ez" [x —%j +C
Cau 49: Dap an C.

+Co lap m: 2m=x"-2x° —3=f(x)

+ Giai phueong trinh y'=4x" —4x* =0

+ Lap bang bién thién d€ xac dinh m

Cach gidi: y'=0 khi x, =0;x, =1

Bang bién thién:

X —0 -1 0 -1 +00
Y - 0 + 0 - 0 +
y -3

NN

Ttr bang bién thién ta thdy:

—3>2m>—4<:>_73>m>—2
Cau 50: Dap an A.
- Giai phuwong trinh x* =2 -x7.
Khidé x, =-Lx,=1.
bay 1a can cua tich phan can tinh
- Ap dung cong thikc tinh dién tich:
(Y2 2 a2 _A(! 2
S= J._l‘x +x° - Z‘dx = ZI_l‘x - 1>dx = 2.[_1(1 -x )dx
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DE ON LUVEN SO 24

Cau 1: Cho ham s8 f(x)=xsin2x. Hay tinh

&)

A. 0. B.2+1. -1 DI
4 4

4
Céu 2: Cho hinh lang tru ding ABC.A'B'C’ ¢4 tat
ca cac canh bang a. Thé tich khéi t dién A'B'AC
la:
N I C L

12 4 6 6
Cau 3: Cho s8 phitc z=1+i.Khi d6 |z°| bing:

A.

A.2J2. B.J2. C4.  D.1.
Cau 4: Cho lang tru dung ABC.A'B'C’ c6 day la
tam gidc vudng can dinh A, AB=AC-=a,
AA =aN2 . Dién tich mat cau ngoai tiép tt dién
A'BB'C la:

47a’

A. 4ma®.  B. 43ma®. C. 12ma®. D. 3

CAu 5: Goi A,B la cac diém cuc tiéu cta d6 thi
ham s§ y=x*-2x*-1. Dién tich cta tam gic
AOB (véi O la gdc toa d6) bang:

A 1. B. 3. C. 2. D. 4.
Cau 6: Tap nghiém ctia bat phuong trinh
log, (x2 —2x+1)<logl(x—l) la:

3 3

A. (3;4%). B. (2;+0). C. (1;2). D. (L;+w).
Cau 7: Trong khong gian véi hé toa d6 Oxyz, cho
hai diém A(1;1;0), B(-1;0;1) va diém M thay
ddi trén duong thang d :%=y__—11=ZT—1_ Gia tri
nho nhat ctia biéu thiec T = MA + MB la:

A.4.  B.3. V6. D.2v2.
Cau 8: Trong khong gian véi hé toa d6 Oxyz, cho
5(1;2;3) va cac diém A, B, C thudc cac truc Ox,
Oy, Oz sao cho hinh chép S.ABC c6 céc canh
SA, SB, SC d6i mot vudng goc voinhau. Thé tich
khéi chop S.ABC la:

NECE SR

18 36 6 S 12
Cau 9: D6 thi ham s8 y=ax’ +bx* +cx+d 6 d6

thi nhu hinh vé sau. Ménh dé nao sau day dung.

1
A
I X
-102\

A.a<0;b>0,c>0;d>0.
B. a<0;b<0;¢>0;d>0.
C.a<0;b<0;c<0;d>0.
D. a<0;b>0;c<0;d>0.

Cau 10: Tat ca duong tiém can diang cua do thi

ham s& y=—x2 —23x+2
x" -4
A. . x=-2. B.x=2,x=-2.
C. x=2. D. x=4.
Cau 11: Tim t4t ca cac duong tiém can dung cua
_x+2\/;—3?

d6 thi ham s8 y =2 -¥X 725
Y x—5Jx +4

A. . x=1,x=16.
B. D6 thi ham s6 khong ¢ tiém can ding.
C. x=1.
D. x=16.
Cau 12: Tap hop nghiém cta phuong trinh

[sin2tdt =0 (an x)1a:
0

A Jtkn(kez).  B.kon(keZ).

T
C. kn(keZ). D. —+kn(keZ).
(ke2) " s kn (k)
Cau 13: Tap hgp nghiém cua bat phuwong trinh
32 L <2y
277 3

1 . . .
A. {5} B.(2;3). C.(,2). D.(0;1).
Cau 14: Tim tat ca nhing diém thudc d6 thi ham

sO y= **1 khoang cach dén duong tiém can
x —_
ngang ctia d6 thi bang 1.
A. M(3;2),N(2;3).

C. M(-L,0),N(3;2). D. M(-10).

B. M(-1;0),N(0;-1).
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Cau 15: Hinh chép déu S.ABCD c6 canh ddy bang
a, goc gitta canh bén va mit ddy bang 60°, c6 thé
tich la:

Jea® Vo’

NIT J3a

WAL b Y R LS )
3 2 6 6
Cau 16: Tim ham s8 y=""7 bigt ring db thi
cx+d

ham s& cit truc tung tai diém M (0 ;1) va dob thi co

giao diém hai duong tiém canla I (1;—1)

A.y:2x—1. :x+1‘
x—1 1-x

x—2 x+1
C.y= . D.y=—-—.
Y -x-2 Y x—1

Cau 17: Trong khong gian vdi hé toa d6 Oxyz, cho

hai mit phang (P):x+2y—2.z+3=0 va
(Q) :x+2y—-2z-1=0. Khoang cach gitta hai mat
phang da cho la:
A.é. B. 4. C.z. D.é.
3 3 9

Cau 18: Tim tat ca cac gia tri thuc cua tham s6 a

dé bat phuong trinh sau day nghiém dung véi

moi gid tri thiec cua x: I[%t+ Z(a +1)jdt >-1.
0

A.ae —é;—l .
2 2

C. ae[0;1].

B. a<0.

D.ae [—2; —1] .

Cau 19: Tap hop nghiém cua hé bat phuong trinh
x* +5x+4<0

{x3 +3x2-9x-1050

A. (-o0;—4). B. [4;1].

C. [L+). D. [-4-1].
Cau 20: Cho hinh hop ABCD.A'B'C'D'’ ¢6 tat ca
cac canh bfmg a va B/AT) =60°,

A'AB = A’AD =120° . Thé tich hinh hop la:

3 3 3 3
N2 g a2 a2 a2
4 3 2 12

Cau 21: Goi x,x, la cdc nghiém ctia phirong trinh

A.

2
(loglx) ~(V3+1)l0g,x-3=0. Kni dé tich
x,.x, bang:
D. 37+,

A. 3. B.3%. . 3%

Cau 22: Cho hai s phtc z,, z, thoa man
|z2|=|zz| =1.Khido |z1 +zz|2 +|z1 —zz|2 bang;

A. 2. B. 1. C. 4. D. 0.
Cau 23: Trong khong gian voi hé toa d6 Oxyz, cho
mit cau (S):x* +y* +2° +2x—4y +62+5=0. Tiép
dién cua (S) tai diém M (—1; 2;0) c6 phuong trinh
la:
B. x=0.
D. z=0.

A. y=0.

C. 2x+y=0.
Cau 24: Cho s6 phtic z=1+i+i*+i° +...+1 . Khi
do:

A.z=1-i.B.z=1. C.z=1+i.D. z=1.
Cau 25: S6 phtrc z thoa man |z| +2z=0. Khi d¢:

A. z 1a s6 thuan ao.

B. z la s6 thuc nho hon hogc bang 0.

C. |z| =1

D. Phan thuec cia z 1a s6 Am.

Cau 26: Tim tat ca cac gia tri thyc ctia tham s6 m
x+m
Nmx® +1

d€ d6 thihams6 y = c6 dung hai duong

tiém can ngang.
A. m<0. B. me(—oo;+oo).
C.m>0. D. med.

Cau 27: Dao ham ctia ham s6 y = ln(e“’sz" + 1) la:

A o 2sin2x B = 26 sin 2x
° y - ecos2x +1 : : y - ecost + 1
C L ecost D i 2ec052x Sin2x
: y T cos2x : : y - cos2x
e +1 e +1

Cau 28: V6i hai s8 phttc bat ky z,,z,, khang dinh
nao sau day dung?

A Jz, +2,] <[] +]z]

B. |2, + 2, =z + 2|

C. |zl +zz| =|zl|+|zz|+|z1 —zz|.

D. |zl +zz| 2|zl|+|zz|.
Cau 29: Trong khong gian voi hé toa d6 Oxyz, cho
hai m4t phang (P):x—Zy—z+2:0,
(Q):2x—y+2z+1=0.Géc gifra (P) va (Q) la:

A. 30°. B. 60°.

C. 90°. D. 120°.
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Cau 30: Tim tat ca cac gid tri thyc cta tham s6 m
dé€ d6 thi ham s6 sau c6 hai diém cwec tri cach déu
truc tung: y =x° —2(m+1)x2 +(4m+1)x.
A.m=0. B.m=-1. C.m>-1. D. m=1

Cau 31: Cho hinh tru cé cac ddy la hai hinh tron
tam O va O', ban kinh ddy bang chiéu cao va
bang 4cm. Trén duong tron ddy tam O 18y diém
A, trén duong tron day tam O’ 1ay diém B’', sao
cho AB=4/3am. Thé tich khdi ttt dién ABOO' la:

A. 32cm®. B. 3—32(:1713. C. 63—4cm3. D. 64cm’.

Cau 32: Tat ca cac duong tiém can ngang ctia do

2

thi ham s6 y = X+l la:
X
A y=-1 B.y=1
Cy=1ly=-1 D. y=0.

Cau 33: Mot déng cat hinh nén cut ¢6 chiéu cao

h=60 cm, ban kinh ddy lén R, =1 m, ban kinh

day nho R, =50 cm . Thé tich d6ng cat xap xi la:
A. 0,1 m®.
C. 0,11 m’.

B. 11 m®.
D. 1,1 n?.

2
Cau 34: Tinh tich phan [ = ”xz -3x+ Z‘dx .
1

A. I1=0. B.I:l. C.I1=2. D.I=§.
6 2

Cau 35: Cho ham s@ f(x)zlnx. Hay tinh

, 1) 1
f(x)+ f (x)+f(;]—;.
A.e. B. -1. C. 1. D. 0.
Cau 36: Cho hinh chép S.ABCD c6 day la hinh
vuong canh a, matbén SAB la tam gidc déu, mat
bén SCD la tam giac vudng can dinh S. Thé tich
khdi chop S.ABCD la:

3 3 3 3
o p o e
6 12 6 4
Cau 37: Can xé mot khic gd hinh tru c6 duong
kinh d=40 cm va chiéu dai h =3 m thanh mdt cai

xa hinh hop chit nhat c6 cing chigu dai. Lwong gd
bo di tdi thiéu xdp xi la:
A. 0,14 m’.
C. 0,014 n’.

B. 1,4 m®.
D. 0,4 m®.

Cau 38: Dién tich S ctia hinh phéng gi6i han béi
hai duong cong y=x> va y=x° la:

Al Bl cl pl

6 8 4 12

Cau 39: Dién tich ctia hinh phang gii han boi ntra
duong tron x*+y*=2,y>0 va parabol y=x’
bang:

aAlaq sl I
2 3 2
Cau 40: Giai phuwong trinh:

+l. D.E.
3 2

2
I(t ~log, x)dt =2log, 2 (an x).

0 x
A. x=1. B. xe{l;4}.
C. xe(0;+oo). D. xe{l;Z}.

Cau 41: Trong khong gian vdi hé toa d6 Oxyz, cho
. \ g x-1 y+1 z
hai duon than d:i—="—==,

g g 17T 1 2

d

2

yT_1=§. Duong thang 4 di qua

X
1
A(5;-3;5) cdt d,, d,tai B va C. Do dai BC la:

A. 32, B.19. D. 245.

Cau 42: Choham s y = §x3 ~3/3x>. Khoang c4ch

C. 19.

gitra hai diém cuec trji ctia d6 thi ham sd béng:
A 3. B.1.

C. 2. D. V9 +1.
Cau 43: Trong khong gian vdi hé toa do Oxyz, cho
hai diém A(-1;0;1), B(1;2;-3) . Dudng thang AB
cat mat phang toa dd (Oyz) tai diém
M(xM;yM;zM). Gia tri cua biéu thic
T=x,+Yy, +z, la:

A. 4. B. 4. C. 2. D. 0.
Cau 44: Cho ham s6 y=-x"+3x+2. Goi A la
diém cuyece ti€u cua d6 thi ham s6 va d la duong
thang di qua diém M(O; 2) c6 hé s6 goc k. Tim k
dé khoang cach tir A dén d bang 1.

3 3

A k=——.B. k==—. C.k=-1. D. k=1.
4 4

Cau 45: Tap hop cac gia tri thuc ctia tham s6 m d€
2x+1
xX—-m

d6 thi ham s6 y = c6 duong tiém can la:
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A. (—o0;+0). B. R\{—%}.

C. (1;+oo). D. (—oo;—l).

Cau 46: Trong khong gian vdi hé toa do Oxyz cho
ba diém A(0;1;1) ; B(1;1,0); C(1;0;1) va mit
phing (P):x+y-z-1=0. Diém M thudc (P)
sao cho MA=MB=MC. Thé tich khéi chop
M.ABC la:

Al Bl ¢l bl
6 2 9 3

Cau 47: Trong khong gian voi hé toa dd Oxyz, cho
hai diém A(0;-1,0), B(L,1;-1) va mat cau
(S):x* +y* +2* —2x+4y—-2z-3=0. Mt phang
(P) di qua A, B va cit mit cAu (S) theo giao
tuyén la duong tron c6 ban kinh 16n nhat cé

phuong trinh la:

A, x-2y+3z-2=0. B.x-2y-3z-2=0.
C.x+2y-3z-6=0. D.2x-y-1=0.
Cau 48: Phuong trinh xs—\/l——2 =0 cbd bao
nhiéu nghiém thuc phan biét?
A. 6. B. 1. C. 2. D. 3.
Cau 49: Tim tat ca cac gia tri thuye ctia tham s6 m

x+y=2

W c6 nghiém thuec.

dé hé phuong trinh {
X' +yt=m

A.m>22. B.m21. C.m=2. D.m<2.
Cau 50: Cho hinh nén (N) c6 dinh la (S), duong
tron ddy 1a (O) c6 ban kinh R, goc & dinh ctia
hinh nén 1a ¢ =120°. Hinh chép déu S.ABCD co
cac dinh A,B,C,D thudc duong tron (O) ¢ thé
tich la:

3 3 3 3
\/ER. B-2\/§R.C-2\/§R.D.2R.
3 3 9 9

A.

Dat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 351



Cong Pha Toan The Best or Nothing
DAP AN

1.D 6B | 11.D | 16.B | 21.D | 26.C | 31.B | 36.B | 41.B | 46.A

2A | 7D | 12.C | 17.A | 22.C | 27.D | 32.C | 37.A | 42.D | 47.B

3.A 8B | 13.A | 18.A | 23.C | 28.A | 33.D | 38.D | 43.D | 48.B

4A | 9A | 14C | 19D | 24.C | 29B | 34B | 39.C | 44.A | 49.A

5.C | 10.A | 15.C | 20.C | 25.C | 30.B | 35.D | 40.C | 45.B | 50.C

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Ta co:
T T T T
x)=xsin2x= f'(x)=sin2x+2xcos2x= f| — |+ f'| — |-1=—+1+0-1=—
flo)=rsnz= 1 (5] (5o
Céu 2: Dap an A.

2 3
Tacs: V,pp =V 183 3
3 34 12

ABC.A'B'C' —

AA'=

Lo,
Cau 3: Pap an A.

Gidi thich: z=1+i=|2°|= (1 + 1) =242

Cau 4: Pap an A.

Dé thay hinh cau ngoai tiép t& dién A'BB'C cling chinh 1a hinh cau ngoai tiép

lang tru ABC.A'B'C'. Ban kinh ctia hinh cau nay dwoc xac dinh boi cong thikc:

N\ 2
R=,|R? +[ﬂ]

ABC
2

Do tam gidac ABC vudng can tai dinh A nén tdm duwong tron ngoai ti€p chinh

nam trung diém ctia BC va bén kinh duong tron ngoai tiép tam gidc ABC la:

BC ABV2 a2
Rppe=—F=—F—=—"7—
2 2 2
BT (2]
Do dé6 tacd: R= (%} +(%J =a=S5=47R* =4ra*.

Cau 5: Dap an C.
y=x'-2x" 1=y =42’ —4x =dx(x—1)(x+1)
Do d6, ham s6 dat cuc tiéu tai x=—-1;x=1. Khi d6, ta co:

l.d AB:%.Z.Z:Z

A(-1;-2);B(1,-2)= AB=2=S,,, = > oyas-
Céu 6: Dap an B.
Diéu kién: x>1
x>2
log, (x> —2x+1)<log, (x—-1) x> -2x+1>x-1<
Két hop diéu kién suy ra x> 2.
Cau 7: Pap an D.
Ta cod Med:>M(m;—m+1;m+1)

= T=MA+MB=\[(m—1) +(-m)’ +(m+1) +y(m+1) +(-m+1)" +(m)

= T=2J3m>+2>22
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STUDY TIPS
Chu y diéu kién
x*=3x+2=0. Nhiéu
déc gida quén diéu

kién nay chon B la sai.

Déu “=" xay rakhi: m=0< M(O;l;l).

Cau 8: Dap an B.

Ta co: A(a;O;O);B(O;b;O);C(O;O;c)

= SA =(a—l;—2;—3);§§ =(—1;b—2;—3);§6 =(—1;—2;c—3)
SASB=SBSC=5SCSA=0

o —(a-1)-2(b-2)+9=1-2(b-2)-3(c-3)=—(a—-1)+4-3(c-3)=0

a+2b-14=0 |*7 SA=(6:-2-3)  |sa=7
b +3e-14=0b=L= @:(—1;3—3] ~lsg=?
a+3c-14=0 ; o 2 s o 27
€=3 |sC =[—1,‘ —2;?] =3

=>V= l.SA.SB.SC 343
6 36

Céau 9: Dap an A.
y=ax’ +bx* +cx+d
Nhin vao d6 thi ham s ta thay YILIEO Y =+o0; YIHEO y=—o nén a<0.Ham s6 dat cuc
tiéu tai x=x € (—1;0) va ham s0 dat cuc dai tai x=x,=2, dong thoi:
f(xl) < O;f(x2 ) >0 . Ngoaira f(O) >0. D¢ 1a nhitng thong tin chinh thu duoc tir
d6 thi ham s8. Ta c6: d= f(O) >0 va f'(x) =3ax” +2bx + ¢ 6 hai nghiém x;x,.
2b

, = ——
Theo dinh ly Viet ta co: 3a

n
Tuong quan trén ta thdy ngay: x, +x, >-1+2>0;x,x, <0 nén: 3 maa<o
£ <o
3a

nén: b;c>0. Nhuw vay ta co: b;c;d>0;a<0.

Nhén xét: Day la mot trong nhitng bai tiéu biéu ndm trong phan nhan dang d6 thi
cta cubn Cong phd toan.

Cau 10: Pap an A.

x> =3x+2=%0

Tiém can ding cta do thi 1a cac duwong thoa man: { 2 40 Sx=-2
X — =

Cau 11: Pap an D.
Tiém can dung ctia d6 thi ham s6 1a cac duwong thoa man:
x+2\/¥—3¢0© (\/;_1)(\/;+3)¢0
x=5Jx +4=0 (&-1)(&—4):0

oJr=4ex=16

Cau 12: Pap an C.

X

=0 cos2x=1<x=kr;keZ

Ta co: IOX sin2tdt =0 < [_COSZtJ

0
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Cau 13: Dap an A.

(t—3)2£0

Dit 37 =t;(t>0) thi ta c6:3> LI P 5

t 1 2
—+-<ts
2773 9 t 3
Do t>0 nén: t=3<3"=3<x= % Phuong trinh ¢6 nghiém duy nhat x :%
Cau 14: Pap an C.
Ta co: limy = limx—Jri =1.Do dd, y =1 1a tiém can ngang ctia d6 thi ham s&. Khi
X—0 X0 X —

dé, diém can tim cé dang M(m;O);N(n;Z). Vi M;N ndm trén d6 thi ham s&

m+1:0

nén: Ztll N {::3_1 = M(-1;,0);N(3;2)
L,
n-1

Cau 15: Pap an C.
Theo gia thiét ta c6: SO L (ABCD) ; ABCD 1a hinh vuéng canh a va SAO = 60°

a6
2

Ta c6:SO = AO.tan60° = (AB.cos 45° )\/5

=>V= %.SO.S

1
ABCD 3 :
Cau 16: Dap an B.

Db thi ¢ hai tiém can, trong do:

A A4, \ d
+Tiém can ding la: x=——
c

N ~ \ a

+ Tiém can ngang la: y=—

c

Do d¢, giao diém ctia hai tiém can la: I[—E;E]:E:—l;gz—lzdzaz—c
cc c c

D6 thi ham s6 di qua diém M(O;l) nén: Z =1=b=d=-c.Do d9, ta cé:

_—cx—c _x+1

cx—c 1-x
Cau 17: Pap an A.

Dé thay: (P)//(Q)= 4oy =Yty A(1;1;3)e(P).

: 1+21-23-1 4
Khoang cach gitta hai mat phang la: ==
42 +(2) 3

Cau 18: Pap an A.

* 2

> 1o 42(a+1)x2-1
4

X

I(%t+2(g+l)jdt2—1@{%+2(g+1)tl

0

o2 +8(a+1)x+420;VxeR & A'=16(a+1) ~4<0

«:>(a+1)2 si<:>|u+1|s%c>—%su—%

Cau 19: Pap an D.
x* +5x+4<0 —4<x<-1
3 2 A 3 2
X +3x2-9x-10>0 | f(x)=x"+3x*-9x-10>0
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STUDY TIPS
Tinh chédt sau hay
duoc st dung trong
nhiéu bai toan:

2 2
|z, +2,| +|z, -2,

:2(|Z1|2 +|Z2|2)

Xét ham f(x) trén (—4;—1) ta co: f(x) =3x>+6x-9 =3(x2 +2x—3);

x=1

f’(x)=0© .

Tacé: f(-1)=1; f(-3)=17; f(—4)=10. Do d6, f(x)>0;Vxe[—4;-1]

Vay tap nghiém ctia hé la: [4;-1].

Cau 20: Pap an C.

Ké AH L(A'B'C'D'). Tir gia thiét A'AB= A" AD =120° = ttt dién AA’B'D la tt

dién déu c6 chiéu cao AH, suy ra chan duong cao cuia khoi chdp la trong tam cua

tam gidc A’'BD=He A'C'

Ké AKLA'D'=(AHK)LA'D'=HK L A'D' . Ta c6:
A'H:%:%.(/}A'coswo):%.(a%j:%

— AH =+ AA?— A'H? :ﬂ
J3

=V =S .AH=(a2.sin60°)

A'B'C'D'

w2 a2
—\/5 5
Cau 21: Pap an D.
Dat log, x =t . Khi d6, phuong trinh tré thanh:

(log1 XJZ —(\/§+1)log3x—\/§=0<:>(log3x)2 —(\/§+1)10g3x—\/§=0
<:>t2—(x/§+1)t—\/§:0;A:(\/§+1)2 —4\/§=(\/§—1)2 >0

Khi d6, phuong trinh c6 hai nghiém t,;t,. Theo dinh ly Viet ta c6:
b+t =3 +1=log, (x,x,)=v/3 +1= x,x, =377
Céu 22: Pap an C.
Dat z, =a+bi;z, =c+di . Khi do ta co:
|z1 +zz|2 +|z1 —zz|2 =(a+c)2 +(b+d)2 +(a—c)2 +(b—d)2
=z, +zz|2 +|z, —zz|2 :2(112 +bz)+2(c2 +d2):2(|zl|2 +|Zz|2)
=z, 4z, | -z =2(17 +17) =4
Cau 23: Pap an C.
Taco: (S):x +3% +2° +2x—4y+62+5=0 (x+1) +(y—2) +(2+3)" =9
Do d6, tam va ban kinh mit cau (S) la: I(-1;2;-3);R=3.
Tiép dién cua (S) tai diém M(-1;2;0) lamit phing (P) diqua M va vudng géc
voi MI . Ta co:
MI =(0;0;-3)=(P):0.(x +1)+0.(y~2)~32=0 < (P):2=0.
Cau 24: Pé4p 4n C.

1 .10 1_(12)4 i2 1 2

, o . —i . —i .
Tacd: z=1+i+i*+i°+..+i =>z= = = =1+i.
1-i 1-i 1-1

Cau 25: Pap an C.
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STUDY TIPS
Ludn d€y hai
treong hop
X — +00; X —> —0©0
khi gép bai toan
tim tiém can chtra

can thirc

bat z=a+bi;a,beR. Ta cb:

=0 a=—|a
Z+|| 0> a+bi+va®+b* = 0<:>{a+\/m <:>{b=0| |<:>z:a<0

Cau 26: Dap an C.

Xét cac truong hop sau:

X N AT A Lopia A
Néu m=0= y=-— ham s6 khong cd tiém can ngang.

V1
A \ 2 A A . . 2 1 A \ A ~
Néu m <0thi ham sO ton tai khi: mx +1>O<:>|x|< —— nén ham s0 cling
m

khong co tiém can ngang.

Néu m >0 thita co: lim 1 lim

smy= \/—Hwy \/—

Vay ham sd c¢6 dung hai tiém can ngang khi m >0.
Cau 27: Dap an D.

ham s& ¢ hai tiém can ngang.

cos2x , ( o2 +1) e, (cost)' e, (—2 sian)
y=ln<e 21+1):y— R =

cos2x

+1
2657 gin 2x

'—
:>y_ c052x+1

Cau 28: Pap an A.
Dat z, =a+bi;z, =c+di. Ta xem xét khéng dinh C, ta co:
|zl+zz|=\/(a+c)2+(b+d)2;
|zl|+|zz|+|zl—zz|:\/az+b2 +\/c2+d2 +\/(a—c)2+(b—d)2
|z, + 2, | =|z| +|z| +]z -z,
<:>\/a+c b+d) \/a2+b2+\/c2+d2+\/(a—c)2+(b—d)2

Déng thirc cudi khong thé dung voi moi a;b;c;d . Ta cd thé chon: a=1Lb=c=d=0

1a mdt vi du. Ta kiém tra cac khéng dinh con lai.

z +z|=+/(a+c b+d +lz, | =Na* + b+ +d?
ezl = (o e) + (o) ] | =+ 4

Ta c6 bat dang thirc quen thuoc: \/(a + c)2 + (b + d)2 <2+ i+
Bat dang thiic nay cé thé giai bang phwong phap bién d6i twong duong hodc
dung hinh toa d6 Oxy (ban doc tu suy ngam).Do d¢, ta cé: |zl + zz| < |zl| + |zz| .
Nhan xét: B4t dang thirc can phai nhé, véi moi s8 phite z,;z, thi ta ludn cé:
|z1 +zz| < |Z1| +|zz|

Cau 29: Pap an B.

Goc gitta hai mat phang (P);(Q) la:
n(Q)‘ \12+ 2).(-1)+(-1)1)

g ) o M oot oo

- cor{ (D)) =2 =1 (PFQ) -0

o (FFT0)-

Cau 30: Pap an B.
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Ta co: y=x3—2(m+1)x2 Jr(4m+1)x:>y'=3x2 —4(m+1)x+(4m+1)

Ham s6 ¢6 hai diém cuec tri khi y'=0 c6 hai nghiém phan biét téc la:

A'=4(m+1) =3(4m+1)=4m* —4m+1=(2m-1)’ >O<:>m¢%
Khi d6, nghiém cua y'=0 la:

. =4(m+1);—(2m—1) Comatx, = 4(m+1);(2m—1) _ 2m3+5
Hai diém cuec tri cach déu truc tung khi:
2m+5 -

|x1|:|x2|<:>|2m+1|: m=-1 (do m;t%).

Sai 1am thwong gap: Hoc sinh hay ngd nhan hai di€m cuc tri cdch déu truc tung

thi x, =, va trong nhiéu bai todn dé thiéu truong hop nghiém va dan sai két qua.
Cau 31: Pap an B.

Ké AA'/ /OO = AA' L A'B= A'B=vAB* - AA” =42

Do d¢6, tam giac A'O'B Vu6ng cAntai O' (docé: O'A'=0'B=4;A'B=4+2)

1 1 32
:VAOOB O BSAOO 54(5.42j:?
Céu 32: Pap an C.
Tiém can ngang cua d6 thi ham so:
2 2
lim y = lim al +1=1;1imy=lim al +1=—1
xX—>+0 X—>+0 X X—>—0 xX—>—0 X

Do d6, d6 thi ham sd ¢6 hai tiém cdn ngang la: y =1,y =-1.
H Nhaén xét: Cau nay cung thudc mét dang giéng nhu cau 26 ctia dé nay.
Cau 33: Pap an D.

Thé tich hinh nén cut 1a:
V=%h(R2+R2+RR) ”26( +0,5%+1.0,5) ~1,1(m’

Céu 34: Pap an B.

Ta co: x2—3x+2=0<:>(x—1)(x—2)=0<:{

2
Do détaco: I= J-‘x —3x+2‘dx I (x —3x+2)d —(%—%+2x} ==

1

Cau 35: Pap an D.

Ta co:
, 1
fx)=% 1) 1

f(x)=lnx3 3f(x)+f’(x)+f —|-—=0

l =1 l =—lnx=— ( ) be X
S f L |=In| L |=—nx= flx
C Cau 36: Dap an B.
Goi M;N 1a trung diém AB;CD . Khi d6 ta c6: SM L AB;SN L CD
N Ké SH 1 (ABCD)= H e MN . Ta cé:
5 szv1=5A.sin6o°=i SN—T=§;MN=AD=11
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= SM? + SN*? =MN2:SMJ_SN:SH=M=&

MN 4
”ﬁj.(cﬂ):”aﬁ

1 1
=V ==-SHS,  =—|—
3 ABCD 3[ 4 12

Cau 37: Dap an A.
D& lwong g6 bo di 1a nho nhat thi the tich cai xa 1a 1én nhat. Do chiéu dai 1a bang

A B nhau nén ta chi can xét dién tich ddy! Bai toan dwa vé tim hinh chit nhét noi tiép

@) mot duong tron cho truede sao cho cé dién tich 16n nhat.

Ta cd: S

ABCD AOB

45 = 4.%.OA.OB.sin@ =2R?sin AOB< 2R’

D&u “=” xay ra khi: AOB =90". Nhu vay két qua bai toan 1a:
2
AV = 7R*h—2R*h = (7 - 2)(% h=(7-2).0,2°3~0,14(m’)
2

Cau 38: Pap an D.
Ta co: x° —x° :0<:>x2(x—1):O<:>x:0;x:1

Do d6, dién tich hinh phang can tim la:

3 4
S:I:‘xS—xz‘dx:I:(xz—x3)dx:(%—xz]
Cau 39: Pap an C.
Viy>0nén: y=+2-x" . Taxét V22’ =x" @ x* +x*-2=0x=41
Dién tich hinh phang can tim la:
_-2

(ﬂ—xz)dle—(gjl :

I= J.\/Z xidx = I ,} 251r1t \/_smt 42cos tdt—J. (c052t+1)d

=1= 1+ :>S—— —
2 2 3

2 x?

Céu 40: Pap an C.
Diéu kién xdc dinh: x>0.
2

=2log, 2-2log, x

2 2 (£
IO (t -log, x)dt =2log, ;@ 5 t.log, x

<2-2log,x=2-2log, x<0=0

0

Do d6, phwong trinh cé nghiém véi moi x> 0.
Cau 41: Pap an B.

, {Bedl B(b+1,-b-1;2b) |AB=(b—4;-b+2;2b-5)
Ta co: = =
» |C(e2e+T5c) AC=(c-5;2c+4;c-5)

A; B;C thing hang khi: AB=kAC <

c=-1

b-4 -b+2 2b-5 b=1
= = Ry
c-5 2c+4 c¢c-5

Khi d6 ta c6: B(2;-2;2);C(~L-1-1)= BC =+/19.
Cau 42: Dap an D.

358 | Khai bao sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thii ting kem



25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

STUDY TIPS
Mot mat phéng cit mot
mat cau theo giao tuyén
la deong tron cé ban
kinh, dién tich hay chu
vi 16n nhat déu duoc
hiéu 1a mat phang d6 di

qua tdm mét cau.

Ta co: y=§x3—§/§.x2:y'=2x2—2x§/§=2x(x—3/§).
Do d6, hai diém cuec tri ctia d6 thi ham s6 1a:
A(0;0); ( —3 \/_\/3_2j:>A(00) B(¥3;-1) = AB =39 +1

Cau 43: Dap an D.

Ta c6: ZE=(2;2;—4):(AB);x_+1=Z=Z__1
1 1 -2
xyt+tl vy, oz, -1
M(x,;y,520)€(AB)N(Oyz)=" 1 1 2 =M(0L-1)=T=0
x,, =0

Cau 44: Pap an A.
Ta cd: y'=-3x" +3=-3(x—1)(x+1). Do d¢, diém cyc tiéu cta d6 thi ham s& la:
A(—l;O) . Puong thang d di qua M(O,'2) c6 hé s6 goc k lé:(d):yz kx+2 . Khi

=1©w=1©|k+2|= /k2 +1©k=—%

12 +(—k)2

dé ta co: dA/(d)
Cau 45: Dap an B.

2041y 1
1 2

X+=
2

+Néu m——E thi y=

o | VN A
+Néu m # 5 thi ham s6 da cho la ham phan thitc va ludén ¢ moét tiém can ngang

la y=2do limy=2.

Cau 46: Dap an A.
Gia st M(a;b;c) . Khi d6 ta cé:

a+b—c—1—0
MA =MB=MC > 2
2+(p- ) +(c 1) =( ) +(b-1) +¢

a+b—-c-1=0
<<a=b Sa=b=c=1

c=a

MA =(1;0;0)
= MB:(O-O-l = Ve :%.MA.MB.MC:%

C=(0;1;0)

Céu 47: Pap an B.

Taco: (S):(x—1) +(y+2) +(z-1) =9=I(L,-21);R=3

Mt phang (P) cat mat cau (S) theo giao tuyén duong tron c6 ban kinh 16n nhat
khi va chi khi (P) di qua tam [ ctia médt cau (S) nén ta co:

(P):ax+by+cz+d=0
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d
a.0+b.(—1)+c.(0)+d=0 a=—E
=< al+bl+c(-1)+d=0 <ib=d =(P):x-2y-3z-2=0

a.1+b.(—2)+c.1+d:0 C:3_d

Cau 48: Dap an B.

Ta cé: f(x):x3—\/1—x2 :>f'(x):3x2__—x2:,{3x+%}
1-x 1-x

x=0 r
f'(x)=0<:> 1 = =
3x + o =0 |3x1-x*=-1
L -x -
x=0
x=0 7
& {x<0 Slx=x=- 3+6 >
9x* (1-x%)=1
(1) 3-45
X=x,=— e

Khi d6 dung mdy tinh ta thay: f(—l);f(O) 'f(x1 );f(x2 ) < O;f(l) >0 nén phueong

~

trinh ¢6 nghiém duy nhat.
Cau 49: Dap an A.
Hé phuong trinh ¢6 nghiém thuc khi: S* >4P;S=x+y; P =xy . Ta cé:
2

m=x"+y'= (x2 +y° )2 —2x%y* = ((x + y)z —2xy) —2(xy)2

= m=(S*-2P) —2P?
Phuong trinh dau tuong dwong: S =2. Do d6, diéu kién hé c6 nghiém trd thanh
phuong trinh: m = (22 - ZP)2 —2P? ¢ nghiém P thoaman: P<1.
Khi d6 ta c6: m=2P?>-16P+16 . Bang cach lap bang bién thién ta thu duoc:
mz2.

Nhan xét: Ngoai ra bai nay c6 thé st dung bat dang thitc Bunhiacopski nhu sau:

]
<x2+y2) N 2 )

m=x*+y*> >
Y 2 2

Cau 50: Pap an C.

Chiéu cao hinh nén ciing 1a chiéu cao hinh chép va ¢6: h=R.cot60’ = R

=

ABCD 1a hinh vudng ndi tiép duong tron (O) nén ta co:

AB= 'OA ;= RV2 = SABCD =AB*=2R* = VSABCD =lh.SABCD
sin45 3
1(R 23.R
= Vsapen =g‘[ﬁ]'(2Rz) - 9
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DE ON LUVEN S0 25

Cau 1: Cho mit phéing (P):Zx—y+z—3=0.
biém nao trong cac phuong an dudi day thudc
mat phang (P)
A. M(2;1,0). B. N(2;-1,0).
D. Q(-1;-1,2).

Céu 2: Vi cac s6 phitc z thdéa man |z—2+i| =4,

C. P(-1;-1;6).

tap hop cac diém biéu dién caa s& phirc z 1a mot
duwong tron. Tim ban kinh R ctia duong tron do.
A. R=2. B.R=16. C. R=4. D.R=8.
Cau 3: Tim tap nghiém S ctia phuong trinh
g¥+1 g =1 o7
A.s={3}. B.S={1}. C.s={2}. D.S={5}.
Cau 4: V6i cac so thuc a,b >0 bat ki, rat gon biéu

thiic P =2log,a—log, b’

2

2
A. P=log, (%j .

C. P=log, (%} D. P=log, (ab)’.
Cau 5: Ménh dé nao dudi day la sai?

A [[f(x)+8(x) ]ax= f(x)dx+[g(x)dx, voi
moi ham f(x),g(x) lién tuc trén R.

B. J[f(x)—g(x)]dx=If(x)dx—jg(x)dx, voi

moi ham f(x),g(x) lién tuc trén R.

B. P=log, (Zabz).

C. [kf (x)dx=k[ f(x)dx v6i moi hang s& k va
voi moi ham f (x) lién tuc trén R.

D. [ f'(x)dx=f(x)+C voi moi ham f(x) c6
dao ham trén R.
2x-1

Céau 6: Choham s6 y = . Ménh dé nao dudi

x+1
day dang?

A. Ham s0 khong c6 diém cuec tri.

B. Ham s6 c¢6 dung mot diém cuc tri.

C. Ham s6 c6 dang hai diém cuec tri.

D. Ham s6 c6 dung ba diém cuc tri.
Cau 7: Trong khong gian voi hé toa do Oxyz, cho
ba diém A(2;0;0), B(0;-1;0), C(0;0;3). Viét
phuong trinh mat phang (AB C ) .

A.3x+6y+2z-6=0. B. 3x-6y+2z+6=0.
C.3x-2y+2z-6=0. D. 3x-6y+2z-6=0.
Cau 8: Cho s6 phttc z=2-3i. Tim mddun cta s6
phtc w=(1+i)z—2.
A. |w|=3. B. |w|=\/;
C. |w|=—4. D. |w|=5.
Cau 9: Cho ham s0 y =x* +4x* + 3. Ménh dé nao
duoi day dang?
A. Ham s dong bién trén (—oo; +oo).
B. Ham s§ dong bién trén (-o0;0) va nghich
bién trén (0; +oo) .
C. Ham s6 nghich bién trén (—oo; +oo).
D. Ham s0 nghich bién trén (—00;0) va dong
bién trén (0; +oo) .
Cau 10: Choham s8 y =ax’ + bx’ + cx +d ¢6 d0 thi

trong hinh bén. Hoi phuong trinh

ax’ +bx* +cx+d+1=0 ¢ bao nhiéu nghiém?

Ay

AN

O\~
v

i B )

A. Phuong trinh khong c6 nghiém.

B. Phuong trinh c6 ding mot nghiém.
C. Phurong trinh c¢6 ding hai nghiém.
D. Phuong trinh c6 ding ba nghiém.

x—1
Va?=3x+2

(C). Ménh dé nao dudi day 1a ding?

Céau 11: Cho ham s6 y = c6 do thi

C)C(') hai tiém can ngang y=1va y=-1.

)-

A.

B. (C) c6 dung mot tiém can ngang y =1.

C. (C ) c6 dung mot tiém can ngang y=-1.
D.

(
(C ) khong co tiém can ngang.
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Cau 12: Cho ham s6 f (x) c6 dao ham
f’(x)z(x+1)2 (x—1)3(2—x). Hoi ham s6 dong
bién trén khoang nao dudi day?
A.(=,-1).B. (-1,1). C.(1,2). D. (2,+)
Cau 13: Tim gid tri lon nhadt cta ham s6
y=x"-2x"+x-2 trén doan [0,2].

A. rﬁg%xyzl B. rﬁggjxyzo.

C. maxy=-1. D. maxyz—@

[0:2] [0:2] 27"
Cau 14: Cho s6 phtc z=a+bi thdéa man
(2+i)z—(3+5i)=4—4i. Tinh tong P=a+b.

A.P=—%.B. P=4. C.P=2. D. P=§.

Cau 15: Trong khong gian vdi hé truc toa d9, cho
ba diém A(1,-2,-1),B(1,0,2),C(0,2,1). Viét
phuong trinh mit thang qua A va vudng goc voi
duong thang BC.

A x-2y+z+4=0. B.x-2y-z+4=0.
C.x-2y-z-6=0. D.x-2y+z-4=0.
Céau 16: Cho khoi chép S.ABC c6 day tam giac
ABC 1a tam giac déu canh a, SA vudng gdc (ABC)

va SA = a. Tinh thé tich khoi chép S.ABC.

NEYS 37

A. VSAABC = B. VSAABC :T'
NEYS NEYS
C. Vs asc :T' D. V, e :T'

Cau 17: Viét phuong trinh mat cau tam I(-1; 2; 3)
va tiép xtdc v6i mat phang (P): 2x —y -2z +1=0.
2

A. (x+1)2+(y—2)2+(z—3) =9.

2

B. (x+1) +(y—2) +(z-3) =4
C. (x+1)2+(y—2)2+(z—3)2 =3.
D. (x+1)2+(y—2)2+(z—3)2 =2.

Cau 18: Tap xac dinh ctia ham s6 y = (x> —x)* 1a:
A. D:(—oo;+oo). B. D:(—oo;O)u(l;+oo).
C. D= (1; +oo) .

Cau 19: Cho mot hinh nén cé ban kinh day bang a

va goc 0 dinh brimg 60°. Dién tich xung quanh cta

hinh ndn d6 1a:

D. D= (—oo;O] u[1;+oo) .

23na

A. S =4nd®. B.S = .
xq xq 3

2

C. S =2ma’. D.S _43ma .
xq xq 3

Cau 20: Trong khong gian véi hé truc toa d¢ Oxyz,
cho ba diém A(2-1,0),B(-1,2,-2) va
C (3; 0; —4). Viét phuong trinh duong trung tuyén

dinh A cua tam gidc ABC.

A-X—2=y+1=i‘ B x—2=y+1=i
1 1 -3 1 - -3
C. x—2=y_+1=£. D. x—2=y_+1=£‘
1 -2 3 -1 -2 3
Cau 21: Cho ham s6 y = f(x) c6 bang bién thién.
—0 -1 0 1 +00
y + 0 - + 0 -
y

NN

Hoi ham s6 cé bao nhiéu cure tri?
A. Co modt diém. B. C6 hai diém.

C. C6 ba diém. D. C6 bon diém.

1
Cau 22: Tinh tich phan I chdx
o x +1
A. I=-1+In2. B.I:%Ir&.

C.I=In2. D. I:%(—1+1n2).
Cau 23: Dién tich hinh phang gi6i han boi cac do
thi ham s8 y =x> —x; y =2x va cdc duong thiang

x=-1; x=1 duogc xac dinh boi cong thtrc.

A. 5=

j(3x —x7)dx

1
B. S=[(3x—x")dx.
-1
0 1
C. S=[Bx—x")dx+[(x* - 3x)dx.
-1 0

0 1
D. S= [ (x* -3x)dx + [ (3x —x")dx .
-1 0

Cau 24: D4t log, 3=a va log, 5=b . Hay biéu dién
P =log,240 theo ava b.
a+b+3

2a+b+3 B. P= )
a a

A. P=
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C.P=a+b+4. D.P=a+2b+3.
a a
Cau 25: Cho khéi chép S.ABCD c6 thé tich bang
16.Goi M, N, P,Q Tanluot 1a trung diém ctia SA,

SB, SC, SD. Tinh thé tich khéi chép S.MNPQ.

A Vi wpo =1- B. Vi o =2+
C. Vi unpg =4- D. Vi ynpg =8-

Cau 26: Tim dao ham cua ham s6 y = log(ln 2x) .

' 1 . 2
A y=s—————m. y=—-—.
x.In2x.1In10 x.In2x.1In10
C. y':;. D.y'= 1 .
2x.In2x.In10 x.In2x

Cau 27: Tim nguyén ham I de .
1-2x
1
A. j—dx=ln|1—2x|+C.
1-2x

B. de :%In|1—2x|+C.

1-2x
C. de=lln 1 +C.
1-2x 2 |1-2x

D.I L dx:1n| ! |+C.
1-2x |12«

Ciu 28: Cho s0 thuc x théa man

log, (log8 x) =log, (log2 x). Tinh gid tri cua

P:(logsx)2
A.P=§. B. P=27.
C. P=33. D.P:%.

Cau 29: Goi z, va z, la hai nghiém phttc cta
phuong trinh z*+z+1=0. Tinh gid tri cua
P= Z2017 + Z2017

1 2 :

A.P=1. B.P=0. C.P=-1. D.P=2
Cau 30: Mot hinh hop chit nhat c6 d6 dai ba canh
Ian lwot 1a 2;2; 1. Tim ban kinh R ctia mat cau
ngoai ti€p hinh hop chit nhat trén.

9 3

A.R=3. B.R==—. C.R=—. D.R=9.
2 2

Cau 31: Cat mot khdi tru boi mot mit phang ta
dugc mot khéi (H) nhie hinh vé bén. Biét rang thiét
dién la mot hinh elip c6 do dai truc 1on béng 10,
khoang cach tir mot diém thudc thiét dién gan mat
day nhat va diém thudc thiét dién xa mat ddy nhat

t61 mat day lan luot 1a 8 va 14 (xem hinh vé). Tinh
thé tich cta hinh (H)

14
8
A\ 4
AV, =192z B. V), =275
C. V,,, =176% D. V,,, =740r
Cau 32: Vo6i cac s6 nguyén ab thoa man

2
J.(2x+1)lnxdx=a+%+lnb, tinh téng P=a+b.

1
A. P=27 B.P=60 C.P=28 D.P=61
Cau 33: Vi m 1a mot tham s6 thuee sao cho d6 thi

ham s8 y=x"+2mx’>+1 ¢6 ba diém cuc tri tao

thanh mot tam giac vudng. Ménh dé nao dudi day

dang?
A.0<m<?2 B. 2<m<0
C.m<-=2 D. m>2

Ciau 34: Cho s6 phic z thoa méan

(2+3i)z—(1+2i);:7—i. Tim m6 dun cta z.
A.l=1 B.|{=v5 C.|]=3 D.[{|=2

Cau 35: Cho hinh chép S.ABCD c6 day ABCD la

hinh  thoi tim O, AB=a,BAD=60",

SO L(ABCD) va mit phang (SCD) tao véi mit

day mot goc 60°. Tinh thé tich khéi chép S.ABCD.
AV, e gy, $3

S.ABCD — S.ABCD —
12 8

3 3
C.V J3a D.V J3a

S.ABCD — 24 S.ABCD — 48
Cau 36: Tim tap hop tat ca cac gia tri cia tham s6
m d€ duong thing y=x+1 cit d6 thi ham s3

_2x+m

y= 1 tai hai diém phan biét c¢6 hoanh d¢
duong.
A. m<-1. B. 2<m<-1.
C.m<1. D. 2<m«<1.
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Cau 37: Tim tap nghiém S cta bat phuong trinh

log, (x+2)-log , x>log2(x2—x)—1.
2 V2

A. S=(2;4w).
C. S=(1;2).

B. S=(0;2).
D. S=(1;2].
Cau 38: Tim tap hop tat ca cac gia tri thuc caa
tham s8 m d&€ ham s§ y=x"—(m+1)x* +3x+1
dong bién trén khoang ti (—oo; +oo).
A. [—4;2]. B. (—oo;—4)u(2;+oo).
C. (—oo;—4]u[2;+oo). D. (—4;2).
Cau 39: Trong khong gian véi hé toa do Oxyz, cho
ba diém A(1;3;-1),B(-2;1;1),C(4;1;7). Tinh ban
kinh R ctia mat cau di qua 4 diém O, A, B, C.

9 J77

A. R==. B. R=——
2 2
C.Rz%. D.R:@.

Cau 40: Tim tap hop tat ca cac tham sd m sao cho
phuong trinh 4% 2" 2522 43,2 -0 ¢

bdn nghiém phan biét.

A. (2;+oo). B. [2;+oo).
C. (—oo;l)u(2;+oo). D. (—oo;l).
Cau 41: Tim nguyén ham I ﬁdx ?

A. I%dx=2]ﬂ|x+1|—ln|x+2|+(f.
x* +3x+

B. J%dx=ln|x+1|+21n|x+2|+C
x°+3x+

C. I%dx:21n|x+l|+ln|x+2|+C.
X X

D. I%dx:ln|x+l|—21n|x+2|+C.
X X

Cau 42: Dat log,60=a va log,15=b. Tinh
P=log,12 theo a va b?

A potbt2a+2 oo, abta-2
b b

c p_b-a+t2 D p_ib-a-2
b b

Cau 43: Trong khong gian voi hé toa d6 Oxyz cho

diém M(S;S;—2) va hai duong thang

:x__1=y__2=5- d_x+1=y—1=z—2‘
o 3 1 12 4
Duong thiang d di qua M cat d,, d, Tan luot tai
A va B.Tinh &6 dai doan thang AB?

A. AB=2. B. AB=+5.

C. AB=6. D. AB=3.

Cau 44: Mot nut chai thuy tinh 1a mot khai tron

xoay (H ) , mot mat phang chita truc ctia (H ) cat
(H) theo mét thiét cho trong hinh v& duéi. Tinh

thé tich cta (H) (don vi: cm®)?

4cm

2cm

2cm

2cm

l—>
3cm
A. V(H) =237 B. V(H) =13n.
41
C. V(H) =?n. D. V(H) =17n.

Cau 45: Cho mot mat cau ban kinh bang 1. Xét cac
hinh chép tam gidc déu ngoai tiép mdt cau trén.
Hoi thé tich nhé nhat ctia ching bang bao nhiéu?
A. minV =43, B. minV =83
C. minV =9v3. D. minV =16+3.

Cau 46: Cho x,y la cac s6 thyc duong thdéa man

Inx+Iny>In(x*+y). Tim gia tri nho nhéat cua

P=x+y.
A. P=3+24/2. B. P=6.
C. P=2+32. D. P=17 +/3.

Cau 47: Cho hinh chép S.ABC c6 ddy ABC latam
gidc vuong can, AB=AC=a, SC L(ABC) va
SC =a. Mat phang qua C vudng gbc véi SB cat
SA,SB lan luot tai E, F. Tinh thé tich khoi chop
S.CEF.
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A. VS.CEF = 36 B. VSACEF = 18
P \/Eas
C Vs cer :£' D. Vg e =?'

Cau 48: Trong khong gian Oxyz, cho diém
M(1;1;2). Mat phfmg (P) qua M cit cac truc toa
dd Ox, Oy, Oz lan luot tai diém A, B, C. Goi
V. s 1 the tich ctia tix dién OABC. Khi (P) thay

d6i tim gia tri nho nhat ctia V,

OABC *
. 9 .
A. minV, .. :E. B. minV, .. =9.
. ) 32
C. minV,,,.=18. D. minV, . =?

Cau 49: V6i hai s0 phtc z,z, thoa man
z,+2z,=8+6i va |z] —zz|=2, tim gid tri 1on nhat
cuia biéu thirc P=|zl|+|zz|.

A. P=2+/26. B. P=5+345.

C. P=4/6. D. P=34+32.
Cau 50: Goi (H) la phan giao nhau cta hai khéi
mot phan tu hinh tru c6 ban kinh béng a (xem
hinh vé bén). Tinh thé tich ctia (H).

34°

A Vi, 5 B. Vi 4
24° na’

C. Vo =5 D. Vi =7
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DAP AN

1A 6.A | 11.A | 16.B | 21.C | 26.A | 31.C | 36.B | 41.A | 46.A

2.C 7D | 12.C | 17A | 22.B | 27.D | 32.B | 37.C | 42.C | 47.C

3.A | 8D 13.B | 18B | 23.D | 28.B | 33.B | 38.A | 43.D | 48.B

4D | 9D | 14.C | 19.C | 24.C | 29.C | 34B | 39.D | 44.C | 49.A

5C | 10.D | 15.D | 20.C | 25.B | 30.C | 35.B | 40.A | 45.B | 50.C

HUONG DAN GIAI CHI TIET
Cau 1: Pap an A.
Me(P) vi 22-1+0-3=0
Céau 2: Dap an C.
Gia st:z=a+bi,(a,beR)

=[z=2+i=|(a-2)+(b+1)i| =4=(a-2) +(b+1) =16

Téap biéu dién s& phtic z la:(x~2) +(y +1)° =16, la dudng tron tam 1(2,-1) va

STUDY TIPS
Ta cht y tinh chat ban kinh R=4
log\bzllogﬂb tir day Cau 3: Dap an A.
i X
. § _ 17
fa c6 thé chuyén thanh Taco: 47 +47 =272 4" (4' +47) =22 & 4 =22 x=3

log,. b=log, b~ Céu 4: Pap an D.

Ta co: P =2log, a—log, b> = P =log, a* +log, b* =log, (ub)2

2

Cau 5: Pap an C.

STUDY TIPS .
Ham phan thic dang Phuwong an C sai do phai c6 diéu kién d€ hang s6 k=0 .
_ax+b (ad —bc £ 0) Ta ghi nhé tinh chat: _[a.f(x)dx = ajf(x) dx v6i moi s6 thuc a=0.
cx+d’
khong c6 cuc tri, ludn Cau 6: Dép an A.
don diéu trén tiing o 2.1_(_1).1 3
khoang xac dinh. Taco: y'= 2 2
(x + 1) (x + 1)
Do y'>0Vx -1 nén ham s6 khong c6 cuec tri
STUDYTIPS Cau 7: Dap an D.
Phuong trinh mat
phang di qua ba diém Phuong trinh mét phang (ABC) la: ngll +§ =1 & (ABC) :3x—6y+2z-6=0

A(a;O;O);B(O;b;O); Cau8:bapanD

C(O;O;c) c6 dang _
Taco:w=(1+i)z-z=(1+i)(2-3i)-(2+3i) > w=3-4i =|w| =3 +4* =5

X Y.z ;

—+<=+—=1 dwoc goi ~ I

4 b c Céau 9: Pap an D.
la phuong trinh mat Cich tu duy 1:
phang theo doan chan

y=x4+4x2+3:>y'=4x3+8x=4x(x2+2)

y'>0=x>0

Ham s6 nghich bién trén (—;0) va dong bién trén (0;+).

Cdch tw duy 2: Doham s6 co hé s6 a=1>1 va ab=1.4>0 nén ham s6 dong bién
trén (0; +oo) va nghich bién trén (—oo; 0) (boi d6 thi ham s6 c6 dang parabol quay
bé 1om xudng dwdi). Day la cach tu duy nhanh vé dang d6 thi ma toi da gidi
thiéu trong cudn Cong Ph4 Toan.
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Cau 10: Pap an D.

Ta thay, s6 nghiém ctia phuong trinh ax’ +bx* + cx +d +1=0 la s§ giao diém cua

Ngoc Huyén LB - facebook.com/huyenvu2405

d6 thi ham s8 y=ax® +bx® +cx +d va duong thang y =-1. Nhin vao d6 thi ta

STUDY TIPS
Ta c6 thé chuyén may
tinh vé dang MODE
2:CMPLX dé€ tinh toan
v6i s6 phtc.

STUDY TIPS
Dién tich tam giac déu
c6 canh bang a la

3
4

S=

STUDY TIPS
Ham s6 y=x“, véi a
khéng nguyén thi cé
tap xac dinh la (0;+).

thdy c6 3 giao di€m, tiic phuong trinh c6 ba nghiém phan biét.
Cau 11: Pap an A.

Chi xét tiém can ngang ta thay:

lim y = lim —— e —1; lim y = lim —— = 1
X—>+0 X—>+0 /x2_3x+2 ,x%—oo X—>—® [x2_3x+2

Ham s6 c6 2 tiém can ngang: y =1,y =-1
Cau 12: Pap an C.
Ham s8 dong bién khi f'(x)>0
o (x+1) . (x-1)".(2-x)>0 = (x-1)(2-x)>0 = 1<x<2
Cau 13: Dap an B.

1

y' =32 —4x+1=(3x-1)(x-1);y'=0|" 3

x=1

1) -50
y(o)_—2,y(§j_7,y(1)_—z,y(z)_o
:>1\[/0[3]xy(x)=0
Cau 14: Pap an C.
(2+i)z—(3+5i)=4-4i = (2+i)z=7+i
©z=7—+l:=3—i:a=3,b=—13P=a+b=2
2+1

Céu 15: Pap an D.

Ta cé: BC = (—1;2;—1)

Mit phang (P) di qua A vavuodng goc voi BC la:
(P):-1(x-1)+2(y+2)—-(z+1)=0
(P):—x+2y—z+4=0
(P):x—2y+z—4=0

Cau 16: Pap an B.

1 1 23

Ta c6: S, =E.AB.AC.sinIZTC =SNG0 =S, =T
1 3
=V =25, 5A= ”12
Cau 17: Pap an A.
2.(-1)-2-23+1
Tacé:R=dI;(P)=| ( ) " |=2=3
\/22 +(-1) +(-2) 3
= (8):(x+1) +(y-2) +(z-3) =9
Céu 18: Pap an B.
Tap xac dinh ham sf)':yz(x2 —x) x>0 xz(l)
X

Cau 19: Pap an C.
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STUDY TIPS
Ham sé da cho c6 dao
ham khong xac dinh tai
x =0 nhung van dat

cuee tri tai diém do.

STUDY TIPS
A sai boi vi ham s6

f(x)=3x-x’laham
s6 ¢ thi jf(x)dx =0,

vay néu cho trj tuyét
ddi ra ngoai thi gia tri
dat dwocla 0, 1a sai. Do
vdy ta can chu y khi bo
d4u tri tuyét doi.

Cong Pha Toan

The Best or Nothing

STUDY TIPS

Tinh chat cua bai todn st
dung ¢ day la: Hinh
chop SABC c¢6 A';B';C'
lan  luot
SA;SB;SC
Thi ta co:
m _SA' SB' 5C'

\%

SABC

trén canh

SA SBSC

2a

Duong sinh hinh nén: 1 = =
sin30°

Dién tich xung quanh: S =Rl = m.a.2a =2na’
Cau 20: Pap an C.
Goi M la trung diém BC, ta co:

-1+3

2+0

—2)+(—4
R

Phuong trinh AM 1a trung tuyén ctia AABC:
x=2 y+1 =z
1 -2 3

(AM):
Cau 21: Pap an C.
Dé nhin thdy f(x) dat cuc dai tai x=-1,x=1
Ngoai ra, f'(x) d6i dau tir am sang duong tai x=0 nén x =
ctia ham s6. Do d6, ham s6 ¢6 3 cuec tri.
Céu 22: Pap an B.
1xdx 1 1d<x2) 11 dt
=l m = h=ar=50g
Ox"+1 270x"4+1 2°0t+1
Cau 23: Pap an D.

1
.y =E(ln|t + 1|)‘:
x=0

Tacd: ¥’ —-x=2x=x*-3x=0<
L=J_r\/§

Dién tich hinh phéng dwoc xac dinh boi:

0 la diém cuc tiéu

=1ln2
2

S= J:‘(f - x) - Zx‘dx = Ji‘x3 - 3x‘dx + m:@ - 3x‘dx

=S5= J._Ol(xe' - 3x)dx + J:<3x -x° )dx
Cau 24: Pap an C.
log, (243-5) _ log,3+log,5+4 _

a+b+4

Cdch 1: Ta c6: P =log, 240 =

log, 3 log, 3

Cich 2: Ta c6 thé sit dung may tinh gan log, 3 —> A
Gan log, 5 — B . St dung mdy tinh xét hiéu ta chon C.
Cau 25: Pap an B.
St dung tinh chat quen thudc:
Vo _ SM SN SP _1 Vg _SM SP SQ
Vise SA SB'SC 8'V,., SA SCSD
1 Voww _ Vsurg _ Ve T Vauro _ Vornro

=
8 V, V. V. +V, V.

SABC SACD SABC SACD SABCD
1

=V -V

SMNPQ — g ' sABCD =

2

a

SM SP sQ _1

8

Chii 1j: Cong thirc ti s6 thé tich chi ap dung duoc cho hinh chép tam giac, nén ta

phai chia khoi chop dé xét ti so.
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STUDY TIPS

Bai toan nay ching ta cé
th€ st dung phuong
phédp nghiém cu thé ma
khong can théng qua
lwgng giac. Tuy nhién
cong thic luong giac &
day nén duoc lru tam vi
noé giai quyét nhanh véi
dang bai tinh z".

10

14

Cau 26: Dap an A.
(ln Zx)' (2x)' B 1
7 In2x.In10 2x.In2x.In10  x.In2.In10
Chii 4j: O bai toan nay, viéc st dung dao ham ham hop can cha y rat ki phéan u'.
Cau 27: Pap an D.

Ta co: y=log(ln2x):y'= =y'=

1
2x -1

+C

Ta cé: | 1 dx:_—11n|2x—l|+C:lln
1-2x 2 2

Cau 28: Dap an B.

1 1

. - 1 1
Ta co: log, (log8 x) =log, (log2 x) =log, (log2 x)3 = glog2 X = (log2 x)3

2 2
& (log, x)* =3 = log, x=3v3 = P=(log, x) =27
Céu 29: Pap an C.
Cdch 1:

2n . . 2®;
1 z, = COS?‘F l.Sln?
Z4z4l=0z=—1+""i
2 2 27 .. 27
z, =C0S| ——— |+i.sin| ——
3 3

272017 . . 2m2017 ( 2n.2017j . [ 2n.2017j
S +1.S1In +COS| — +1.81n| —

=P=z""+z"" =co

=P= -1 + -1 =-1
2 2
Cdch 2: St dung bam may tinh.

Céu 30: Pap an C.
Goi O la giao diém 3 duwong chéo hinh hop chinh la tdm mét cadu ngoai tiép hinh

hop do. Ta co:
AD? = AB* + BD®> = AB*+ BC*>+CD*=2>+2*+1*=9

:>AD=3:>R=OA=£=g
2 2
Cau 31: Pap an C.
Coéng thiic tong qudt

Ta c6 cong thizc tong quat vé cac kich thudce cua khoi nhu sau:
Ki hiéu nhu hinh vé bén ta duoc:
Dién tich xung quanh cta khéi: S, = w.R.(h, +h,)

2
. AL i o 11ty h,—h
Téng dién tich hai day cua khéi la: S, =nR* + R, |R® +[ ! 5 : j

2
“ . h —h
Dién tich toan phan ctia khéi: S=S_+S,, =nR.|h +h, + R+, |R® +( L ]
xq ay 2

Thé tich ctia khi 1a V = ”I; (n,+h,)
Loi giai
/ 2
Ta c6 mat cat ctia khdi bén tir day ta c6 R = w =4
n4’

Vay thé tich cia khéila V =

> (14+8)=176m
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Math

(=1u)

Math

&5

STUDY TIPS
bé do thi ham s8
y=ax'+bx’ +c,(a%0)
¢ ba diém cuc tri tao
thanh tam giac vudng thi
b3
—=

-8

Cau 32: Dap an B.
Cach 1: Ta co:

2

I= I12(2x +1)lnxdx = flnxd(xz + x) = [lnx(x2 + x)]

—[*(x? + x)d(Inx
[ (& +x)d(inx)
2
=6ln2—E

2

= 61n2—_[12(x2 +x)%dx =6ln2—(xz_2+x]

1
=b=2° =64;a=_?5—%=—4313=11+b=60

Cdch 2: Ta c6 thé sit dung mdy tinh cam tay, dung lénh TABLE dé tim ra két

qua ctia a, b. Day chi la cach “mo” do néu may man ta méi ra két qua.

) day ta coi b la bién va a 1a ham s6 phu thudc vao bién b.

Luc nay b la bién X chon Start, End. Luc nay ta d€'y b>0 nén ta X duwong. Tuy

nhién cac phuong an A, C hon kém nhau 1 don vi, nén ta c6 thé xét khoang

(20;30), phurong &n B, D ta c6 thé xét khoang (60;70).

2
Ta co J(2x + 1)ln xdx — A (gan tich phan cho A).
1

Lacnay A =a+%+lnb , Véi bzX;azf(X) ta co f(X)= A—lnX—%. Nhap

TABLE véi Start 60 End 70 ; Step 1. Ta dugc két qua nhw hinh bén. Ta thay tai

gid tri b=64;a=—4 nguyén. Ta chon B.

Cau 33: Pap an B.

Cich 1: Ta c6: y'=4x" +4mx = 4x<x2 + m)

Ham s6 ¢6 3 diém cuc tri khi y'=0c6 3 nghiém phan biét < m<0

Ba diém cuec tri:

AB =(—J-m;-m?

A(0,1); B(~=m, -m* +1);C(J=m,-m* +1) =] __ ( )
AC= (\/—m; —m’ )

Tam giac ABC cantai A , néu la tam giac vudng: AB.AC = O(AB 1 AC)
m=0

& (—\/—m)(\/—m)+ (—mz)(—mz) =0 m'+m=0 <:>{
m=-1

Vi m<0 nén m:—le(—2;0).

Cdch 2: Trong sach Cong pha Toan phan cong thic tinh nhanh cac bai tap cuec tri

toi ¢6 gidi thiéu vé cong thire tinh nhanh bai tap dang nay.

Dé d6 thi ham s8 y=ax* +bx* + c,(a # 0) c6 ba diém cuyec tri tao thanh tam gidc

& (2m)
1

vuong la — =-8 ta duoc =8« m=-1.Dap anB.
a

Cau 34: Dap an B.
z=a+bi,(a;beR)=(2+3i)(a+bi)—(1+2i)(a—bi)=7—i
< (2a-3b)+(3a+2b)i—(a+2b)—(2a—b)i=7 —i

2a—-3b-a-2b=7 a-5b=7 a=2
=S =S =S
3a+2b-2a-2b=7 a+3b=-1 b=-1

Cau 35: Dap an B.

:>z=2—i:>|z|=\/§
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STUDY TIPS
V6i ham s6 béac ba dang
y=ax’ +bx’ +cx+d,
(a=0)
Thi A’ =b*-3ac 1a biét s6
delta ctia phuong trinh
y'=0.

Ké OH L CD = SHO = 60°
ACOD vudng tai O,'O/CT) =30°

= OH =0C.sin30° = OH = %.OC = %.CD.COS30°

— OH =T3.CD =% — SO = OH.tan 60° =

3
=V :%’SABCD :% %.az.sin60° :&

3 a3 3a
IRy

Cau 36: Dap an B.
Gia thiét bai toan twong duwong phuong trinh hoanh d6 giao diém c¢6 2 nghiém

M:x-i-l @{(x+1)(x—1)_(2x+m):0
1

dwong;:
x#1

'=1 1 =

{xz—Zx—(m+l):0 A +(m+ )>O m>-2
& &4 S>0P>0 <42>0—(m+1)>0

f(1)=0 e s

o -2<m<-1
Cau 37: Pap an C.

Ta c6: log, (x+2)-log , x>log, (xz —x)—l
2 2
Diéu kién: x >1

log, (x+2)-log | x >log2(x2 —x)—log22
2 2

< log,2+2log, x >log, (xz —x)+10g2 (x+2)

< log, (2x2) >log, [(x2 —x)(x +2)]

o 247 >(x2—x)(x+2) < 2x>(x—1)(x+2) (Do x>1).

oxP-x-2<0 o 1l<x<2

Cau 38: Dap an A.

Ham s dong bién trén R khi: y'>0,Vxe R 3x* —2(m+1)x+320<> VxeR
A'=(m+1) 920 < (m-2)(m+4)<0 & -4<m<2

Céu 39: Pap an D.

Goi I (a,b,c) 13 tAm mit cAu can tim. Khi d¢, ta cé:
RZ:az+bz+c2:(a—l)z+(b—3)2+(c+1)2

=(a+2) +(b-1) +(c-1) =(a-4) +(6-1)" +(c-7)

3
lZ:E
2a+6h—2c=11
ol aa-2b-2c=—6 o lp=2 spp 20 8 p N8
2 4 4 2
84+ 2D + 14c = 66 ;
c==
2

Céu 40: Dap an A.
Diat t=2"""1=¢>0 = x> —2x+1=log,t (:)(x—l)2 =log,t

Dat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 371



Cong Pha Toan The Best or Nothing

Phuong trinh da cho c6 4 nghiém phan biét khi va chi khi phwong trinh
t* —2mt +3m—2=0 cb 2 nghiém phan biét va thoa man:

A=m*-(3m=2)>0  (m?-3m+2>0

log,t>0<t>1.Dod6, co: ¢ (t,-1)+(t,-1)>0 < $>2
(t,-1)(t,-1)>0 P-S+1>0
(m—l)(m—2)>0
= 2m>?2 Sm>2

(3m-2)-2m+1>0

Cau 41: Pap an A.

x+3 x+2
J.x +3x+2 _J- (x+1)(x+2) X+I(x+1)(x+2)dx
1 1
=I(x+1)dx+1(x+1 er2]dx=21r1|x+1|—1r1|x+2|+C

Cau 42: Pap an C.
Ta c6: a=1log, 60=1log, (22.3.5) =2+log,3+log,5

log,15 log,3+log,5

5 10825 10g25
a-2 a-2 a-2
b= =lo 5:_,- a=2+loe. 3+
10525 B2 b &2 b
P=10g212=2+1og23:a_“;2:“b—++2

Cau 43: Pap an D.
Gia st d cat d,;d, tai A;B thi:
{Aedl A(a+1;3a+2;a) MA=(a-2;30-1;a+2)
=3 =
Bed, (-b-1;2b+1;4b+2) (~b-4;2b-2;4b+4)
M; A;B théng hang;: MA:k.]\‘/IE, do do:

a-2 3a-1_a+2 A(1;2;0)
= = oa=b=0
—b-4 2b-2 4b+4 B(-1,1;2)

= AB=\2* +1* +(-2) =3

Cau 44: Dap an C.

Thé tich caa (H) dugc tinh bing tdng thé tich ctia hinh nén cut bén trén va hinh
STUDY TIPS

V6i khéi nén cut c6 duong

cao h. Ban kinh day Ta c6 cong thikc tinh thé tich khéi nén cut nhw sau:

14n

tru ¢ phia dwdi.

OB=R va O'A=R'. Khi h , , 2

s Y =T (R AR RR) =T (22412 41.2) =
dé thé tich cta khéi nén 3 3
cut dugc tinh bang cong Thé tich khéi tru phia dwdi dugc tinh bé“mg cong thiee V, =1,5°1.4=9n
thirc

mth

v (R +R? +RR) Vay thé tich ctia khéi (H ) duoc tinh bang cong thitc

V=V +V,=9n +En—ﬂn
3 3

Cau 45: Dap an B.
Gia st hinh chdp d6 1a SABC ¢6 O la tam hinh cau noi tiép. Goi ban kinh ndi
tiép tam giac day la r. Khi d6 ta co:
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IK=r;01 =1; AK=3r;BC=2r/3=S,,. =3r*\/3

A
Goi H lahinh chiéu ctia O 1én (SBC) Khi d6,goc giita hai mit phang bén va ddy
1a: a = IKH
2 S, +35
Ta c6: cos| & _ KL ;Dcosa=r2—1 ;V=l.St q=ty e
I 2) KO Jriq P+l 3w 3
Sup+Spc+S S
B : c Khi chiéu ta ¢6:35,, = (S ) = —4BC
cosa cosa
- ()
4 +1
vals (141 |opya 223 25y o5\ e
o 3 cosa -1 r-1 r’ -1
Cau 46: Dap an A.
biéu kién x>0;y>0
| Ta co lnx+lny21n(x2 +y)<:>ln(xy)21n(x2 +y)<:> xyzx’+y <:>y(x—1)2x2
I
Véi 0 <x <1 khong thoa man.
xZ
Vay x>1.Vay y = 1
2
Vay P=x+y2x+
x-1
R, . e x? —2x
Xét ham so f(x):x+ trén (1;+oo).Ta o f (x):1+ 5
x-1 (x - 1)
fl(x)=0ex"-2x+1+2" -2x=0=2x" —4x+1=0=x= 2+2\/§
Khi d6 f{erf] 34242
Céau 47: Pap an C.
Ta cé: BC = ABV2 =av/2;SB=+BC? +5C* =a\/3
SA=ySC2+CA? =a\2
Theo hé thirc lwong ta ¢6: SC*> =SE.SA = SF.SB
SE= % SE_1
a* =SEa2 =SF.a\3 = 2,154 2
a SF 1
SF=—— |—==
J3 (SB 3
Ap dung tinh chat thé tich:
STUDY TIPS v EsF 1 ) . .
Phuong trinh mat phang —SCEE :E 5 = Vs == Ve :—.—.SC.[—.AB.ACJ
di qua ba diém A, B, C Vowe SC SA'SB 6 6 63 2
dwoc goi la phuong trinh
=V a

mit phing doan chin. Lic
nay, hinh t& dién OABC la
hinh t& dién vudng tai O

SCEF %
Cau 48: Pap an B.

nén Gia st A(a;0;0);B(0;b;0);C(0;0;¢)
1
Voune = ¢-OAOBOC (P): —+y+—_1;Me(P):>1+1+3=1
a b a b c

Ap dung bat déng thitc Cauchy suy ra:
Dat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 373



Cong Pha Toan The Best or Nothing

3
v Lonopoc_tbe e (1,1,2] ae 112
6 6 6 \a b c 6 abc
Dau “=” xéyra:lzlzz.
a b c

Cau 49: Dap an A.
Dat z, =a+bi;z, =c+di

2 2
|zl| =a*+b%; z2| =c?+d*;

2 2 2 2
zl+zz| +|zl—zz| =2 |zl| +|zz|
2 2 2 2 2 12
P = (|z,] +|2,)) §2(|zl| +[z,] ):>P2S|zl+zz| +|z, 2, =[6+8if +22 =104

P <226

. “_r 2 ] _
Dau “=" xay ra khi |zl|—|zz|

17

-y

z+c=8;b+d=6 ) ) bzg
(a—c)2+(b—d)2:4© (2a—8) +(2b2_6) 242<:> 5
P Abt =t 4+ a2+b2=(8—a) +(6—b) azz—;
p=ll

L 3

Cau 50: Pap an C.

Ta co vi du nhw sau:

Vi du 7: Tinh thé tich véat thé tao duoc khi 1dy giao vudng gdc hai 6ng nuéce
hinh tru c6 cling ban kinh day bang a. (hinh 3.6)

164° 24° 44°

A V= B.v=" C.V="-o D. V=4
3 3

(Trich sdch bg dé tinh tiy 6n thi THPT QG mén Todn 2017)

Phan tich
Bai todn dp dung tinh chat:

Cho H 1a mot vat thé ndm gi6i han gitra hai mat phéng x=ava x=b.Goi S(x) la dién
tich thiét dién cua vat thé bi cit bdi mit phrfmg vudng gdc vdi truc hoanh tai di€m c6

hoanh dd x (a <x< b). Gia st S(x) 1a mot ham lién tuc. Khi d6 thé tich V caa H 1a

V = js(x)dx. (hinh 3.5)
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Loi giai
Ta sé gr!'m hé truc toa dd Oxyz vao vat thé nay, tic 1a ta sé di tinh thé tich vat thé

V gi6i han boi hai mat tru: x° +y° =4 va x> +z° =4 (a > 0).

z

Y

Hinh vé trén mé ta mot phan tam tht nhat cta vat thé nay, véi mdi xe [O;a],
thiét dién cua vat thé (vudng goc voi truc Ox) tai x la mot hinh vudéng cd canh
y=+a>—x* (chinh 1 phan gach chéo trong hinh). Do d6 dién tich thiét dién s&
la:

S(x) =NV —x*Aad*—-x* =a* - x? xe[O;a].
Khi d6 ap dung cong thic (*) thi thé tich vat thé can tim sé bang:

V= SES(x)dx :8;'?(%2 —xz)dx =8(a2x—%3j a_lé6a’

0o 3

% N 7 \ CA 1N g A 2 A s \ 2 A \ 1 A ’
O bai toan nay, dé bai toi cho ca dng nwdc con ¢ cau 50 thi cho 4 Ongnude, do
vay ¢ giai doan cudi tinh thé tich, ta ko ¢6 nhan 8. Vay dap an can tim la

174 =-:[S(x)dx=;|j(a2 —xz)dx=%.
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diém cuc dai

diém cuec tiéu

Hinh 1.7

STUDY TIPS
Diém cyec tri ctia ham s6 la
X = ¢ ; con diém cyec tri
cua d6 thi ham sd 1a diém

c6 toa do M(c; f (c))

Trong c4c bai trac nghiém
thuong c6 cac cau hoi
dwa ra d€ dénh Itra thi
sinh khi phai phan biét
gitta di€m cwc tri cla
ham s6 va diém cuc tri
ctia d6 thi ham s6.

Cong Pha Toan The Best or Nothing
PHU LUC:
Cuc tri cia ham so va gia tri I6n nhat, gia tri nho nhat
ciia ham s6 (trich “Cong Pha Toan 3”)

A. LY thuyet ve cuc tri cda ham S0

O phan LI ta vira hoc cach stt dung dao ham dé tim khoang don diéu ctia
ham s8 ctia ham s6. O phan nay ta sé xac dinh diém nim giita khoang dong bién,
nghich bién cia ham s6, va nguoc lai. Nhitng diém nay dwoc goi la diém cuec tri
cia d6 thi ham s8. Diém cuec tri bao gom ca diém cwc dai va diém cuc tiéu cta
d6 thi ham s6. D6 thi ham s6 ¢ hinh 1.7 c6 diém cuc dai la diém phia bén trai va
diém cuec tiéu ¢ phia bén phai (diém dugc danh ddu).
1. Pinh nghia

Chohamsd y=f (x) xac dinh va lién tuc trén khoang (a;b) (co théa
1a —o0; b1a +o0) va diém x, e(a;b).

a, Néu ton tai s6 h >0 sao cho f(x) < f(xo) véoi moi x e(xO -h;x, +h)
va x# x, thi tanéi ham sd f (x) dat cuc dai tai x,.

b, Néu ton tai s6 h>0 sao cho f(x)> f(x,) véi moixe(x,—h;x,+h)

va x#x, thitandi ham s f(x) dat cuc tiéu tai x;.

Véi ham lién tuc thi ham s6 sé dat cuc tri tai diém lam cho y'=0 hodc y'
khong xac dinh dwoc thé hién ¢ hinh 1.8

diém cuc dai

y)
Y1 (c) khéng xéc dinh

/o

<V

Hinh 1.8

Néu ham so dat ciee dai hodc cuc ti€u tai x=c thi x=c la diém lam cho y'
bang 0 hodc y' khong xéac dinh.
2.Chuy

1. Néu ham s6 f (x) dat cure dai (cyc tiéu) tai X, thi X, duoc goi la diem cuc
dai (diém cuc ti€u) cia ham s6; f (xo) dwoc goi 1a gia tri cuc dai (gia tri cyc
ti€u) ctia ham s6, ki hiéu f-, ( fCT), con diém M (xo i f(x, )) duoc goi 1a diem
cuc dai (diém cuc tiéu) caa d6 thi ham sé.

2. C4c diém cyc dai va cuc tiéu duge goi chung 1a diém cuec tri. Gid tri cuc dai

(gia tri cuc ti€u) con goi la cuc dai (cuc tiéu) va duoc goi chung la cuc tri cua
ham so.

3. D& dang chitng minh dugc réng, néu ham s6 y = f (x) c6 dao ham trén

khoang (a; b) va dat cuee dai hodc cuc tiéu tai x, thi f' (x0 ) =0.
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STUDY TIPS
O dinh Iy 1 ta c6 thé hidu
nhuw sau:
* Khi f'(x) doi dau tir
dwong sang am qua x=c¢
thl x =c dugc goi la diém
cue dai ciia ham sé.
*Khi f'(x) di ddu tir am
sang duong qua x=c thi
x =c¢ duoc goi la diém cuc
tiéu ctia ham s6.

STUDY TIPS

Néu x=c la diém cuc tri
cia ham y=f(x) thi
f'(c) =0 hodc f'(c)
khong xac dinh, nhung
néu f'(c) =0 thi chua
chic x=c dala diém cuc
tri ctia ham sd.
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3. Diéu kién du dé€ ham s6 c6 cuc tri

Ta thtta nhan dinh li sau day

Pinh 1y 1

Gia st hams6 y = f(x) lién tuc trén khoang K = (xo —h;x, + h) va co dao

ham trén K hoac trén K\ {x0 } ,vOi h>0.

a.Néu f'(x)>0 trénkhoang (x, —h;x,) va f'(x)<0 trén khoang

(x;%, +h) thi x, 1a mot diém cuc dai cia ham & f(x).

b. Néu ’(x)<0 trén khoang (xo -h; xo) va f’(x)>0 trén khoang

(x;%, + 1) thi x, 1a mot diém cuc tidu ctia ham s8 f(x).

Hinh 1.9 m6 ta diéu kién da &€ ham s6 cd cuc tri:

diém
cuc dai
A
y
diém -
x "
cre tieu =
N
N~
(@) c X
y A
y Khoéng y Khong
phai diém N N phai diém
. A+
cure tri 5

\ 4
A 4

0] c X O c X
Hinh 1.9

4. Quy tac dé tim cyc tri

Quy tac 1

1. Tim tap xac dinh.

2. Tinh f'(x). Tim cac diém tai ¢6 f'(x) bang 0 hodc khong xdc dinh.
3. Lap bang bién thién.

4. Tt bang bién thién suy ra cuc tri.

Quy tac 2

1. Tim tap xac dinh.

2. Tinh f'(x). Giai phuong trinh f'(x)=0va ki hiéu x, (1=1,2,3,..,n) la
cac nghiém ctia no.

3.Tinh f"(x) va f"(x,), (i=1,2;3;..n).
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4. Dya vao dau cta f" (xi )suy ra tinh chat cuc tri cua diém X, .

i

Néu f"(x,)<0 thi x, la diém cuc dai.

i

Néu f"(x,)>0 thi x, la diém cuc tidu.

B. Cac dang toan lién quan dén cuc tri

Xéc dinh diém cuc tri cia ham s&, diém cuc tri cta do thi ham

s0, tim gia tri cuc tri ca ham so
Phueong phap chung
St dung hai quy tic 1 va quy tic 2 & phin 1y thuyét.

Vi du 1: DBiém cuc tri ctia ham s6 f(x) = %x3 —x*=3x+ g Ia

Trong STUDY TIPS trang
35 c6 chu vy

y’(c):O thi x=c chua

rang

chac da 1a diém cuec tri cta
ham s, do vay ta can thw
xem y' c6 doi ddu qua

x =c¢ hay khong.

A . x=-1x=3 B. x=—2;x=£
3 3
C.x=-1,x=5 D.x=4,x=3
Dap an A.
Loi giai
Cach 1: Xét ham s6 f(x):lx3 —x —3x+E
3 3
4 14 ’ 2 ' x:3
CoTXD: D=R. Tacof(x)=x -2x-3,y'=0 1
xX=-
Bang bién thién
x —o0 -1 3 +00
f'(x) + 0 - 0 +
f(x) 10 +oo
3 \
/ 2
—00 —_——
3

Tt BBT ta thdy ham s6 c6 diém cuc dai x=-1 va diém cuc tiéu x =3.
Cach 2: St dung MTCT.

Ta sé st dung chitc ndng tinh dao ham tai moét diém cta may tinh.
An (<) thi may hién nhu hinh bén.

Nhéap ham s& %X3 -X?-3X +§ tai gid tri X =—1 (Ta [an lwot thit cac phuwong

an).
Tai x=-1 thi y'=0 suy ra x=-1 la mot diém cuc tri cia ham s0.

Tuong ty ta gitt nguyén man hinh va thay x=-1 thanh x =3 thi dwoc két qua
tuong tu. Ttr d6 ta chon A.

Vi du 2: Diém cuc tri cia ham s8 f(x)=x +3x* +3x+5 la

A . x=-1,x=-3 B. x=1,x=-3
C. x=0;x=1 D. ham s khong c6 diém cuec tri.
Pap an D.

Loi giai
TXD: D=R. Tacd y'=3(x+ 1)2 >0,Vx e R= ham s6 dong bién trén R.
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STUDY TIPS
Xét ham s6 bac ba
f(x) =ax® +bx® +ex+d
véi (a=0) c6

A, = b* —3ac

* Néu b*-3ac>0 thi
ham s6 ¢6 hai cuc tri.

* Néu b®>-3ac<0 thi

ham s6 khéng c6 cuec tri.

25 dé cét 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Ta co BBT:

Tt BBT suy ra ham s6 khéng ¢ cuec tri.

Tir vi du 1 va vi du 2 ta nhdn thidy v6i ham s6 bic ba c6 dang

f(x)=ax’+bx* +cx+d,(a=0) thi khi tim cuc tri ciia ham s6'ta nén gidi bang
cdch 1 (xét phuong trinh y' =0) thay vi st dung mdy tinh boi phuong trinh

y' =0 la phuong trinh bic hai gidi quyét nhanh chéng hon viéc bam mdy thir
truong hop, tham khdo STUDY TIPS bén canh dé suy lugn nhanh trong bai
todn nay.

Vi du 3: Xét hai ham s6 f(x)=—x* +2x” +1 va ham s6 g(x):—%x‘l -x +%.

Chon ménh dé dung trong cac ménh dé sau:
A.Ham s8 f(x) c6 hai diém cuc daila A(1;2) va B(-1;2).
B. Ham s f(x) c6 diém cuc titu 1a x =0 va ham s6 g(x) 6 gia tri cuc dai
5
a y==.
Y7y
C.Hamso f (x) c6 hai diém cuee tiéu va mot diém cue dai, ham s6 g(x) cd

mot diém cuc dai.

D. Ham s6 f(x) va ham s& g(x) cung c6 diém cuec tiéu 1a x =0.

Pap an B.

Loi giai
Tl bai todn xét su bién thién tdng quat ciia ham s bac bon trung phuwong ma
toi da gidi thiéu o trang 21 va trang 22 truede d6 thi ta co:

Ham s6 f(x)z—x4 +2x* +1 ¢6 2:—2<0 nén phuong trinh f’(x)=0 co ba
a

x=0
A A LAl b
nghiém phan biétla | x=— —Z:—l.
X = —izl
2a

Két hop voi STUDY TIPS trang 22 thita c6 f (x) c6hé s a=-1<0 ta cod nhanh

bang bién thién

X —00 -1 0 1 +00
f'(x) + 0 - 0 + 0 -
f(x) _00/2\1/72\+00

* Tk day ta loai C doham s6 f (x) c6 hai diém cuc dai va mot diém cuec tiéu.
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STUDY TIPS
D&i vdi ham bac bon
trung phuwong cé dang
y=ax'+bx’ +c,(a#0)
thi néu:
ab >0 thi ham s6 cé mot
diém cuctrila x=0.
ab <0 thi ham s6 c6 ba
diém cuec tri la

x:O;x:i,/—L .
2a

Cong Pha Toan The Best or Nothing

* Ta loai A do ham s& f(x) c6 hai diém cpc daila x=-1 va x=1. Con
A(-1;2) va B(1;2) la hai diém cyc dai cia d6 thi ham s8, chir khong phai ctia
ham s (xem lai chti y dau tién (phan mé dau chu dé cuc tri cia ham sd) vé
phan biét cac khai niém).

* D€ loai mot trong hai phuwong an B va D con lai ta ti€p tuc xét ham s6 g(x)
TXD: D=R. Tacd y'=-x" -2x;y'=0<x=0

Bang bién thién:

+00

sl @)oo

_oo/ \+w

Tt BBT ta loai D do x =0 1a diém cuc dai ctia ham s6 g(x).Véy ta chon B.

Déi voi ham bac bon tring phuwong dang y=ax* +bx* +¢ (a # 0)

x=0
Tacd y'=4ax’ +2bx=0<
Y 20 +b=0 e 3’ =2
2a
S6 diém cuec tri phu thudc vao nghiém ctia phuong trinh 2ax* +b=0.

~ b , e NN ~ o . /
a. Néu > <0 (tc a; b trai dau) thi ham s6 c¢d ba diém cuc trila x=0;x=+ —2i
a a

~ b , N ~ y NN N Ny Ay e
b. Néu > <0 (tc a; b cing dau hodc b =0 thi ham s6 c6 duy nhat mét diém cuc
a

trila x=0.
Tiép tuc la mot bai toan ap dung két qua vira thu dugc.

STUDY TIPS
Déi v6i ham bac bon trung
phuong c6 dang
y =ax’ + bx? +c,
(a#0) 6 ab<0, khi d6

néu:
a. a<0 thi x=0 1a diém

T b
cpee tiéu; x ==+,/— la
2a

hai diém cuc dai cia ham
s0.

b. a>0 thi nguoc lai

x =0 la diém cuc dai;

X ==, f—i 14 hai diém
2a

cue tiéu ctia ham so.

Vi du 4: Cho ham s6 y =—x* +2x* +1. Ménh dé nao dudi day dung?
A. Ham s6 c6 mot cuc dai va hai cuc tiéu.
B. Ham s6 ¢6 hai cuc dai va mot cuc tiéu.
C. Ham s& c6 mot cuc dai va khong co cuc ti€u.
D. Ham s6 c6 mdt cuc dai va mot cuc tiéu.

Dap an B.

Loi giai
Ap dung két qua vira thu duoc ta c6 két ludn ham s6 ludén ¢ ba diém cuec tri do
hai hé s6 g, b trai dau.
Mt khac hé s6 a=-1<0 nén d6 thi ham sd c6 dang chit M (meo nho), do vay
ham s6 cd hai diém cuec dai va mdt cuee tiéu.
bén day ta ti€p tuc thu duoc két luan ¢ phan STUDY TIPS.

Vi du 5: Choham s6 y=-x* + 6x* — 8x + 1. Két luan nao sau day la dung?
A. Ham s6 dat cuc dai tai x =-2 va dat cuc tiéu tai x=1.
B. Ham s 6 gia tri cuc daila y =25 va gid tri cuc tiula y =-2.
C. Ham s6 c6 duy nhat mot diém cuec tri x =-21a diém cyc dai.

D. D6 thi ham s6 da cho ¢ mot diém cuc tiéu la A(—2; 25).

Dap an C.
Loi giai
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Tw vi du 5 ta thay dao
ham béng 0 tai x=1
nhung qua di€ém nay
y' khéng ddi dau nén
diém x =1 khong phai
1a diém cuc tri cia ham
s0.
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~
TXD: D=R. Tac y'=—4x3+12x—8;y'=0©{x .
X =
BBT
X —o0 -2 1 +00
0] I
e s
_oo/ +00

Ham s6 dat cuc dai tai x =-2. Tt day ta chon C.

Nhan xét: Doi v6i ham bic 4, vi dao ham la da thirc bic 3 nén ham chi cé thé'cé mot

cuee tri hodc ba cyec tri. Ham s6'c6 mot ciec tri khi phwrong trinh y' =0 c6 mot nghiém
hodc 2 nghi¢m (1 nghiém don va 1 nghiém kép), ham s6'co 3 ciec tri khi phwong trinh
y' =0 c6 3 nghiém phain biét.

Vi du 6: Cho ham s y = f(x) xac dinh, lién tuc trén R\ {2} va c6 bang bién
thién phia dudi:
Khang dinh nao sau day la khang dinh dtng ?

A. Ham s6 dat cuc dai tai diém x =0 va dat cuc tiéu tai diém x=4.

B. Ham s0 ¢6 dung mot cuc tri.

C. Ham s8 c6 gid tri cuc tiéu bang 1.

D. Ham s6 6 gid tri 16n nhat bang 1 va gia tri nho nhat bang -15.

x —oo 2 4 +00
y -0 + + 0 -
y +00 400 -15 \
NN,
Pap an C
Loi giai

Nhin vao bang bién thién ta thay co hai gia tri cia x ma qua d6 y' dodi dau, do6
la x=0 va x =4, do vay day la hai diém cuc tri cia ham s6.

Ta thdy iy’ d6i ddu tir am sang duwong khi qua x =0, do vay x =0 1a diém cuc
tiéu ctia ham s6, nguoclai x =4 lai la di€ém cyc dai cia ham s6.

Tt day ta loai duoc A, B.

D sai do day 1a cac gid tri cuec tri, khong phai gia tri 16n nhat, gia tri nho nhat
cta ham s6.

Ta chon C béi tai x =0 thi ham s6 cé gia tri cuc tiéu la y=1.

Vi du 7: Ham s8 y = f(x) lién tuc trén R va c6 bang bién thién nhu hinh vé
bén. Ménh dé nao sau day la dung?

A. Ham s0 da cho c6 hai diém cuec tri.

B. Ham s8 da cho khong 6 gia tri cuc dai.

C. Ham s6 da cho c6 dung mot diém cuc tri.

D. Ham s6 da cho khong c6 gia tri cyc tiéu.
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STUDY TIPS
O quy tic 1 ta c6 ham s&
dat cuec tri tai diém khién
cho dao ham bé”mg 0 hoac
khéng xac dinh.

o 1 2 +00

Pap an A.

Loi giai
Nhin vao bang bién thién ta thdy co hai gia tri cia x ma khi qua d6 i’ d6i dau.
Do vay ham s6 da cho c6 hai diém cuc tri déla x=Lx=2.
Chi y: Nhiéu ddc gia nghi rang tai x =2 khong ton tai i thi x =2 khong phai
la diém cyc tri ctia ham s6, day 1a mot sai lam rat 16n. Boi ham s& van dat cuc
tri tai di€ém khién cho dao ham khong xac dinh.
Vidu: Ham s6 y = |x| c6 dao ham khong ton tai khi x =0 nhung dat cuc tiéu tai

x=0.

Vidu 8. Him s8 ¥ Zf(X) c6 dao ham f(x) = (x - 1)2 (x - 3). Phat biéu nao sau
day la dang?
A. Ham s6 c6 modt diém cuc dai B. Ham s6 c6 hai diém cuec tri

C. Ham s6 c6 dang 1 diém cuc tri D. Ham s6 khong c6 diém cuec tri

STUDY TIPS
Trong da thitc, dau ctia da
thitc chi d6i khi qua
nghiém don va nghiém
boi 1€, con nghiém boi
ché&n khong khién da thic
déi dau.

STUDY TIPS

1. Ham phan thtc bac
nhat trén bac nhat khong
cO cuc tri.

2. Ham bac bon ludn
Iudn cé cuc tri (co ba cuc
tri hodc ¢6 duy nhdt mot
cuc tri).

Pap an C.
Loi giai
x=1
Tathdy f'(x)=0<
y f'(x) 3
bén day cé nhiéu doc gia két luan luén ham sd ¢6 hai diém cuc tri, tuy nhién
d6 1a két luan sai [am, boi khi qua x=1 thi f'(x) khong d6i ddu, boi

(x - 1)2 >0, Vx. Do vay ham s6 chi c6 diing mét diém cuc trila x =3.

Vi du 9 : Ham s6 nao sau day khong c6 cuec tri ?

2—-x

x+3

D. y=x"+2017x (neN’).

A.y:x3—3x+1. B.y=

C.y=x"-4x"+3x+1.

bap an B

Loi giai
V6i A: Ta thdy day 1a ham bacba ¢c6 y'=3x* -3, phuong trinh y'=0 ludn ¢6
hai nghiém phan biét nén ham sd c6 hai diém cuec tri (loai).
Véi B: Day 1a ham phan thic bac nhat trén bac nhat nén khong co cuc tri. Do
d6 ta chon B.
V6i C: Tir cée két qua vé ham s8 y =ax* +bx” +c(a=0) thi ta c6 két luén rang
ham s6 bac bon trung phuong ludn c6 diém cuec tri (do d6 thi hodc dang M;
dang W hodc parabol).
V6iD: Tacd y'=2nx*"" +2017 (phuwong trinh ludn cé nghiém).
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Vi du 10: Ham s6 nao sau day co ba diém cuc tri?

A. y=x"+2x"+10. B. y=—x"+2x"+3.
C. y=%x3—3x2+5x+2. D. y=2x"-4.
Pap an B
Loi giai

Ta cé thé loai ludn C boi ham s6 bac ba chi c6 nhiéu nhét 1a hai cuece tri.

Tiép theo ta dén v6i cac ham bac bon. Ta ¢ ham bac bén trung phwong cd hai
truong hop, hodc 1a c6 mot diém cuec tri, hodc la ¢ ba diém cuec tri.

bén day ta co thé suy ra, néu hé sd 4, b khac ddu thi ham sd bac bon trung
phuong co ba cuc tri, do vay ta chon luoén duoc B.
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Tim diéu kién dé ham s6 da cho cé diém cuc tri théa man diéu

STUDY TIPS
Qua day ta rat ra két qua,
d6 thi ham s bac ba hodc
14 c6 hai diém cuc tri,
hodc la khéng c6 diém
cuee tri nao.

Phuong trinh y'=0 ta
xét & day co cac hé s6 lan
luot 1a 3a;2b;c do vay
trong tdt ca cac bai toan
tong quat vé ham s6 bac
ba trong sach ta déu xét
cac hé sd nay.

Vi du A'=b*>-3ac (6
day 2b;3a;c lan luot la
cac hé s6 cia y'=0 khéac
voi biét s8 delta b® —4ac
tdng quat ma ta van ghi
nho.

kién cho trudc

2.1 Xét ham s6 bac ba c6 dang y = ax® + bx* + cx + d,(u # 0)

Chu y:

Hamsd y=f (x) xéac dinh trén D ¢6 cuc tri < 3x, € D théa méan hai diéu kién
sau:

i. Pao ham ctia ham s tai X, phai bang 0 hodc ham s& khong c6 dao ham tai X,
ii. f'(x) phai d6i dau qua x, hodc f”(xo)io.

Mot s6 luu y d6i voi cuc tri cia ham sd bac ba y = ax® + bx* +cx + d,(a # 0)
Ta cé y' =3ax’ +2bx+c

- D& ham s6 bac ba ¢d cyec tri thi phuong trinh y'=0 ¢6 hai nghiém phan
biét.

<:>A’>0<:>b2—3ac>0|

- Nguoc lai, d€ ham s6 khong co cuec tri thi phuong trinh y'=0 vd

nghiém hodc c¢6 nghiém kép

- Hoanh d6 x;x, cta cac diém cuec trj 1a cdc nghiém cta phuwong trinh
y'=0.

- D€ viét phuong trinh dwong thing di qua hai diém cuc tri ctia d6 thi
ham s6 bac ba, ta thuong st dung phuwong phép tach dao ham (xem bai
todn tong quat 6 phia dudi).

Mot s6 bai toan thuwong gap:

Bai toan tong quat 1: Cho ham s8 y = f(x)=ax’ + bx* + cx +d,(a#0). Tim diéu

kién dé:

a. Ham s6 c6 hai diém cuec tri trai dau (hay hai diém cuec tri cua d6 thi ham s6 ¢
hoanh d6 trai dau).

b. Ham s6 ¢6 hai diém cuc tri cung ddu (hay hai diém cuc tri ciia d6 thi ham s6

c6 hoanh d6 cung dau).

c. Ham s8 ¢6 hai diém cuc tri x =x,;x =x, so sanh voi s6 thuce o.

d. D6 thi ham s6 ¢ hai diém cuc tri (diém cuc dai va diém cuc tiéu) nam cung

phia, khac phia so véi mt duong thang).

Loi giai tong quat
Ta cé y'=3ax’ +2bx + ¢; phuong trinh 3ax® +2bx +c=0 ¢ A'=b* - 3ac
a. Ham s6 c6 hai diém cuc tri trai ddu < y'=0 c6 hai nghiém phan biét trai
ddu< ac<0.
b. Ham s& ¢6 hai diém cuc tri cing ddu < y’'=0 ¢6 hai nghiém phan biét cung

b* —3ac>0
dé’u = c
x,x,=—>0
3a

c. Biéu kién dé ham sd ¢6 2 cyee tri x; x, thoa man:
*x o <o<x
1 2

(tham khao bang trang 28; 29).

* *
X, <X, <o a<x <X,
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d. biéu kién d€ d6 thi ham s6 ¢ diém cuc dai, cuc tiéu nam cung phia, khac
phia v6i mot duong thang A:mx +ny + k=0

Gia str d6 thi ham s6 c6 hai diém cuec tri la A(x] Y ); B (x2 Y, )

*Néu (mx, +ny, +k)(mx, +ny, +k)>0thi A, Bnam ciing phia so véi A.
*Néu (mx, +ny, +k)(mx, +ny, +k)<0thi A, Bnam khéc phia so vé6i A.

Mot sd truong hop dac biét

- Hai diém cyc tri ctia 6 thi ham s& bac ba ndm cling phia so véi truc Oy <
phuong trinh i’ =0 c6 hai nghiém phén biét cung d4u.

- Hai diém cuc tri ctia d6 thi ham s bac ba ndm vé hai phia d&i véi truc Oy <
phuong trinh y' =0 c6 hai nghiém trai d&u.

- Hai diém cuc tri cia d6 thi ham s nam cling phia véi truc Ox <>y’ =0 c6 hai
nghiém phan biét va y .y >0.

- Hai diém cuc tri ctia d6 thi ham s6 ndm vé hai phia v6i truc Ox < y'=0 6 hai
nghiém phéan biét va y .y, <0.

- Hai diém cyc tri ctia d6 thi ham s§ cing nam vé mot phia trén d6i véi truc Ox
yCD'yCT > 0

yCD + yCT > 0

- Hai diém cuc tri cta ¢t hi ham s nam cting phia dwéi véi truc Ox <> y' =0 ¢6
yCD 'yCT > O

Yep +Yer <0

< y'=0 c6 hai nghiém phan biét va {

hai nghiém phan biét va {

Bai toan tong quat 2: Viét phwong trinh di qua hai di€ém cwc dai, cuce ti€u cta

d6 thi ham s8 y=ax’ +bx* +cx+d, (a#0)

STUDY TIPS
Phuong trinh duwong
thang di qua hai diém
cuec tri ctia d6 thi ham s&
bac ba biéu dién theo y’;
y'iyla

vy

=80y T

Loi giai tong quat
Gia sit ham bacba y = f(x) =ax’ +bx’ +cx+d,(a#0) c6 hai diém cuyc tri 1a
x,;x, . Khi d6 thuc hién phép chia f (x) cho f '(x) ta duoc
f(x):Q(x).f’(x)+Ax+B.
f(xl) =Ax, +B

Khi d6 ta c6 {f(x2)=Ax2+B 0 f’(xl)zf’(x2)=0).

Vay phuong trinh di qua hai diém cwc dai, cuc tiéu caa d6 thi ham sd y = f (x)
codang y=Ax+B.

Dén day ta quay trd vé véi bai toan todn 1, vay nhiém vy cta ching ta la di tim
s6 du d6 moét cach tong quat.

Tacd y' =3ax’ +2bx+c; y'=6ax+2b.
Xét phép chia y cho y' thita dwoc:

y= y’.[lx +£J + g(x) (*) , 0 day g(x) la phuong trinh di qua hai diém cuec tri

3 9a
ctia d6 thi ham s bac ba.
Tié'p tuc ta cod (*) sSy=y. 3a39ca+b +g(x) SyY= y'.6a;;12b +g(x)
vy s(s) [ sl)-y- 22

Mot cong thite khac vé phuong trinh duong thang di qua hai diém cyc tri cia
dd thi ham bAc ba la:
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Cho ham s8 y=ax’ +bx’ +cx+d, (a # 0). Sau khi thuc hién phép chia tong quat

thi ta rat ra duwoc cong thite phrrong trinh duong thang di qua hai diém cuec tri

2
cua d6 thi ham s6 bacba theo s, b, ¢, dla|y = £_2b x+d—b—c
3 9a 9a

Sau ddy t6i xin gidi thi¢u mot cach bam may tinh dé tim nhanh phuong trinh
duong thing di qua hai diém cuc tri ciia d6 thi ham s6 bac ba nhuw sau:
Truoc tién ta xét vi du don gian:

Vi du 1: Phuong trinh duong théng di qua hai diém cuec tri caa d6 thi ham sd
y=x"+2x"-3x+1 la

A. 26x+9y—-15=0 B. —25x+9y—-15=0

C. 26x-9y+15=0 D.25x -9y +15=0
Pap an A.

Loi giai
Phuong trinh duong thang di qua hai diém cuc tri ctia d6 thi ham s8 xac dinh
boi:
6x+4
=x +2x% - 3x+1—(3x" +4x - 3).

g(x)=x"+2x* - 3x ( x* +4x ) T

Chuyén mdy tinh sang ché& d6 tinh todn véi s6 phtic bang cach nhap:
IMODE — p:CMPLX]

Nhép vao méy tinh biéu thitc g (x) nhu sau:

X3 4 2X2 —3X+1—(3X2+4X—3).6X+4

CMPLH Math &

S £ . ~ 3
RI+2HE-30+1-(3 | X4 [CALd, gén X bing i (6 mdy tinh i 13 ndt ENG) khi d6 méy hién: g_ 29—61'.

I 9 , P S VAN N 3 N
Vay phuong trinh di qua hai diém cuec tri ciia d6 thi ham s6 da cho la

Su dung may tinh y:%—%x<:>26x+9y—15=0.

Str dung tinh toan véi s& Tiép theo ta c6 mot bai tham sé.
fh,ﬁc A giai quyet bai Vidu 2: Choham s§ y=x"-3x" + 3(1 - m)x +1+3m, tim m sao cho d6 thi ham
oan.
s0 ¢ diém cuc dai, cuc tiéu, dong thoi tim duong théng di qua hai diém cyec tri
ctia d6 thi ham sd da cho.
A m=20; A:2mx+y—-2m-2=0 B. m>0; A:2mx+y—-2m—-2=0
Cm<0; A:y=202-200x D. m=0; A:y=202-200x
Dap an B
STUDY TIPS Loi giai

Véi nhitng dang toan ,
, & e o Ta co y'=3x2—6x+3(1—m), y'=6x-6.
nay, ta leu y rang trudc
tién, ta can tim diéu kién P& §8 thi ham s8 ¢6 diém cuc dai, cuc tiéu thi A’ =32 —9.(1 - m) >0 ©om>0.
dé& ham s6 ¢o hai cuc tri.
Véi m >0 thi ta thuc hién:

Chuyén may tinh sang ché& d6 MODE| p:CMPLX|
Nhép vao méy tinh biéu thiic y - y'% ta c6
a

6X -6
18

X* -3X* +3(1-M)X +1+3M —(3X* —6X +3(1-M))
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GMPLH [C] Math &

A7 =3RE+ 30 1-H) R
202-2004

STUDY TIPS

Véi budc cubi cung, ta
can c6 ki nang khai trién
da thitc sit dung may tinh
cam tay, do khuén kho
ctia sach nén t6i khong
thé gidi thiéu vao sach, do
vay mong quy doc gia
doc thém vé phan nay.

STUDY TIPS

Cho ham s6 béc ba dang
y=ax’ +bx* +cx+d,
voi a#0

- Néu b*-3ac>0 thi
khoang cach gitta hai
diém cuc tri cta d6 thi
ham S0 la

4K +k
a

d=2

voi

2_
K= b 3ac‘
9a

25 dé cot 16i Toan 12

An

May hién X? nhap i =

May hién M? nhap 100 =

Khi d6 may hién két qua la 202 —200i

Ta thdy 202-200i=2.100+2-2.100i = y =2m + 2 —2mx

Ngoc Huyén LB - facebook.com/huyenvu2405

Vay phuong trinh duong thang di qua hai diém cyec tri ctia d6 thi ham s da
chocédang 2mx+y-2m-2=0.

Ta rtt ra két luan vé cach lam dang toan viét phuong trinh duong thang di qua
hai diém cyec tri cua d6 thi ham bac ba nay nhw sau:

Buwdc 1: Xac dinh y'; " .

Budc 2: Chuyén may tinh sang ché dé tinh toan véi s6 phiic:

IMODE| _, :CMPLX|

"

Nhép biéu thic y— y’.y— .
18a

Chii y:

Néu bai toan khdng chita tham sd thi ta chi sit dung bién X trong mdy, tuy nhién

néu bai toan c6 thém tham sg, ta c6 thé str dung cdc bién bat ki trong mdy dé biéu

thi cho tham s6 da cho, & trong sach nay ta quy wdc bién M dé dé dinh hinh.

Budc 3: Gan gia tri.

An|CALQ, gan X v6i i, gan M véi 100

Lic nay may hién két qua, tir d6 tach hé s6 va i d€ dua ra két qua cudi cung,

giong nhu trong hai vi du trén.

Bai toan téng quét 3: Cho ham s8 y = f(x)=ax® + b2 +cx +d,(a=0).Gia s
ham s6 ¢6 hai diém cuc tri (mot diém cuc dai, mot diém cuec tiéu).Tim khoang
cach gitra hai diém cuc tri ctia d6 thi ham s6.

Loi giai tong quat

Ham s6 ¢6 hai diém cuc tri < b* — 3ac > 0.
Xét phuong trinh y'=0< 3ax* +2bx +c=0 ¢o hai nghiém phan biét x;x,.

Liic nay hai diém cyc trj ctia d6 thi ham s6 Tan luot 1a A(x;;y, ), B(x,;y,)

/ 2 2
Ta co d:|AB|:\/(x1 —xz) +(y1 —yz)
Ap dung bai toan tong quat 2 ta c6 phurrong trinh di qua 2 diém A; B 1a

2
Ary= 2 207 x+d—b—c
3 9a

2 2
b ~sac 2 39V Ay =2k d -
9a 3 9a 9a 9a
Licnay ta c6 AB® =(x, +x, )2 —4x,x, + [—Zk(x1 - x, )]2

2 2
@ABZ:(_Zb] 4.5 e [_—21’) 4 &
3a

Dit k=

5 3a 3a
2 2 _ 4(b* - 3ac
o apr A —12ac o 4 —2ac g ( )(1+4k2)
9a 9a a.9a
3 2
@ABzzik.(1+4k2) _ AB=2 |H Ak g b= Bac
a a 9a
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Vidu 1: Gid tri ciam d€ (C,, ):y =x" + x> + (m +1)x —m* + m d&€khoang céch

gitra hai diém cuec tri cta d6 thi (Cm ) béng % l1a

A. m=-2 B. m=-1 C.m=-4 D.

W o L B Math, &
¥ b

ZJ145 —{&5
Z7

Truong hop m = -2

[F] Math A
[-3K—2135 35
4x===3 =1y
1]

Truong hop m = -1

STUDY TIPS
Piém udn cta d6 thi ham
s6 bac ba la diém cb
hoanh d0 thoa
y"'=0va nim trén d6 thi

man

ham s0
y= ax® +bx* +cx+d,
(a * 0)

Dap an B.
Loi giai
-Tacod b* —3ac=1 —3(m + 1) =-3m—2. D06 thi ham s0 c6 hai diém cuec tri
2
<:>—3m—2>0<:>m<—§

- Ltc nay 4p dung cong thiic trong bai toan tong quat 3 thi ta co

o(Bm=2) _3m+2
A\ 9 9 285
27

: . Dén day ta c6 thé nhap phuong trinh vao

may tinh va thit cdc gia tri cia m trong 4 phuong an, tir d6 ta chon dwoc B thoa
man.

3
Cach bam may tinh: Nhap vao man hinh \/4(_3};_ 2} - 3X9+ 2 _ \28775 (doco
cung thtra s6 chung 1a 2 nén ta bo 2 di).
Thit v6i A: An (=] (2] (=) thi may két qua khac 0 nén ta loai A.
Tht véi B: Tiép tuc an (=) (1] (=) thi may két qua 0 nén ta chon B.

Bai toan tong quat 4: Dinh m d€ diém cue dai va diém cuce ti€u ctia d6 thi ham

s8 y=ax’ +bx* +cx+d, (a#0) d6i xtmg nhau qua dudng thang d:y =kx +e.

Loi giai tong quat.

Do d6 thi ham bac ba nhan diém udn lam tam ddi xtiing nén lac nay diém udn

I (x1 ; 3/1) sé thudc d va duong théng ndi hai diém cuec tri ctia d6 thi ham s&

v, =kx, +e

3

C__
3a

vudng goc voi d. Tire la m thdéa man hé sau:fy 2 [ B2 j -

Vidu 1: Cho ham s8 y=x"—3mx* +4m’° (v6i m 1a tham s8) c6 do thi (Cm) Tap

tat ca cac gid tri cua m d€ hai diém cuec tri ctia d6 thi (Cm) ddi xting nhau qua

c {inzo} D. {%0}

duodng thang d:y=x1a

el

Pap an B.
Loi giai

Ta cé: y' =3x" —6mx;

y"=6x—6m; y"=0< x=m.Lacnay di€m udn I 1a diém ¢ toa do (m;2m3) .
2m® =m

Sm=t——.

T bai toan tong quat ¢ trén ta co: {5 _ <3m>2 . -

3 3
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Trén day la boén bai toan
tong quét dwa ra phuong
huwdng cong thitc cu thé
cho cac dang bai hay gdp.
Sau day toi xin dwa ra
mot s6 vi du khac khoéng
nam trong 4 bai ton téng
quat trén, nhung tuy
nhién cac vi du duoi day
¢6 chung mot diém la
phuong trinh y'=0 c6
thé tim dwgc 16 nghiém

X,;X, theo tham s m.

STUDY TIPS

So di trong bai toan nay ta
két luan dwoc x=x, la
diém cuc dai cia ham s6
va x =X, la diém cuc tiéu
ctia ham s6 boi ta dwa vao
cach nhdn dang d6 thi
ham béac ba c¢6 phuong
trinh  y'=0 <6 hai
nghiém phan biét va hé s6
.. thi d6 thi dang cht N.

25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Vi du 2: Xac dinh tat ca cac gia tri ctia m d€ hai diém cuec tri cia d6 thi ham s&

y=x"-3x +mx ddi xtng nhau qua duong thang x -2y —5=0.

A.m=0 B.m=-2 Cmed D.m=2

Dap an A.
Loi giai
Tacd y'=3x> —6x+m; y'=6x-6; y' =0 x=1
Vay diém udn I(l;m—2) .
T bai todn tong quat o trén ta co:
1-2.(m-2)-5=0

2 321 < m=0.
= |m-—=]|==-1
3 3)2

Mot s6 vi du khac

Vi du 1: Gia trj caa m d€ do thi (C,, ):y =2x° +3(m —3)x” +11-3m c6 hai
diém cuc tri A va B sao cho ba diém A; B;C (O; —1) théng hang la

A.m=3 B. m=4 C.m=1 D. m=-1
Pap an B.
Loi giai
=0
Xét phwong trinh y'=0 < 6x” +6(m—-3)x=0< * .
x=3-m

D6 thi (Cm) cd hai diém cyctri AvaBkhivachikhi 3-m#0< m=3

Ap dung bai toén tdng quat s8 2 thi ta c6 phrrong trinh di qua hai diém cuc tri
A;Bla AB:y=—(m-3) x+11-3m.

Dé 4, B, C thing hang thi C(0;-1)e AB:y=—(m-3) x+11-3m

< -1=11-3m < m =4 (thoa man yéu cau dé bai).

Vi du 2: T4t ca cac gia tri ctia m d€ d6 thi
(Cm ) cy=x" = 3mx’ + 3(7712 - 1) x—m® +m c6 hai diém cyc tri trong d6 A la

diém cuc dai, B 1a diém cuc tiéu sao cho OA =~/20B 1a

A.m:3+2\/5. B.m:—2—3\/§;m:—2+3\/§.
C. m=-3-24/3. D.m=-3+22;m=-3-22.
Dap an D.

Loi giai
Tacd b* —3ac =9 >0,Vm e R. Suy ra d6 thi ham s& ludn 6 hai diém cuc tri.
Taco A, =9 = phuong trinh y'=0 6 hai nghiém phan biét
x,=m-Lx,=m+1=x <x,
Vihés6 a=1>0 nén x=x, la diém cuc dai cia ham s6 va x=x, la di€ém cuc
tiéu ctia ham so.
= A(m—1;2—2m) va B(m+1;—2—2m).
Theo dé ta c6 OA =~/20B < 0A? =20B* < m> +6m+1=0
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m=-3+22

=
n=—3—2\/§

(théa man yéu cau dé bai).

Vi du 3: Gia trj cua m d€ d6 thi ham s6 (C,, ):y =x° —3mx +1 ¢4 hai diém cyc
tri B, C sao cho tam giac ABC can tai A voi A(2; 3) la

A.sz;m:% B.m=1,m=2 C.m:% D.m=2

STUDY TIPSS
Khi giai cac bai toan chira
tham s6 ta nén chd y xem
phuong trinh y'=0 ¢6
thé giai ra nghiém dwoc
hay khong. Ta ¢ mot s&
két qua sau:
1. Téng cac hé s6 cua cac
s6 hang trong phuong
trinh bing 0 thi phuong
trinh c6 mot nghiém
x=1
2. Téng cac hé s8 bac chén
va cac hé sd bac 1é cua cac
s0 hang trong phuong
trinh bang nhau thi
phuong trinh c6 mot
nghiém x =-1.
3. Luu y xét b* —3ac d&
giai nghiém phuong trinh
¥ =0 nhanh hon.

bap an C.

Loi giai
D& ham s8 ¢6 hai cuc tri thi y'=0<3x* —3m=0c6 hai nghiém phan biét
e m>0. Khi d6 toa d6 hai diém cuc tri B; C Ian luot 13 B(—\/Z;Z\/mS +1) ;
C(\/;;—Z\/ms +1):E€=(2\/%;—4\/m3)
Goi I la trung diém cta BC = I(O,’l).
AABC cantai A < ALBC =0 < —4ym + 8\’ =0<:>m=0;m=%.

N A A s aea 1 en . 1. . w
Doi chiéu véi diéu kién ta cd m = 5 la gia tri can tim.

Vi du 4: Gia tri cta m &€ 36 thi (Cm):yzx3 —3mx® +3(m2 —1)x—m3 +4m-1
6 hai diém cuc tri A, B sao cho AOAB vudng tai A la

A.-m=-I,m=2 B.m=1m=-2 C.m=1m=-1 D.m=-1,m=0

Dap an A.
Loi giai

=m+l=>y=m-3
Tacé y’=3x2—6mx+3(m2—1)=0<:> e y=m

:{A(m+1;m—3)

B(m—1,-m+1)

x=m-1=>y=m+1
O—Az(m+1;m—3)
OB=(m-1;m+1)

m=-1

Do tam gidc OAB vudng tai O < OA.OB=0<2m*> —2m—-4=0< )
m=

Vay m=-1 hodc m =2 la cac gia tri can tim.
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2.2. Xét ham s6 bac bon trung phuwong c6 dang y=m* +bx* +c,(a¢0).
. 5 x=0
Tacod y'=4ax’ +2bx=0 < 5
2ax“+b=0
Dén day ta c6 nhan xét ham s8 bac bon trung phwong ludn c6 diém cuec tri.
SO diém cyec tri phu thudc vao nghiém ctua phwong trinh 2ax* +b=0.
a. Néu ;—b <0 ticlaa, b cung ddu hodc b=0 thi phwong trinh vd nghiém
a
hoac cd nghiém x =0. Khi d6 ham s6 chi c6 mot diém cuctrila x=0.

b. Néu ;—b >0 ticla g, b trai dau thi phuong trinh c6 hai nghiém phan biét
a

la x==, {—; Nghia 1a ham s6 cé ba diém cuc trila x=0;x ==, /—Zi .
a a

Ta vira chitng minh ¢ trén, néu ab <0 thi ham s6 c6 ba diém cuc tri 1a

x=0;x=i4f—i.
2a

Khi d6 @6 thi ham s6 da cho sé cé ba diém cuec tri la:

A(O;c);B —,/—i;—A ;C 1/—i;—A véi A =b>—4ac (Hinh minh hoa)
2a  4a 2a  4a
4 2 N )
(Chttng minh: ta c6 f J—i =a. b +b. b +c =ﬂ—b—+c
2a 2a 2a 4a*> 2a

ab® —2ab* +4a’c —ab*+4ac -b* +4ac
= = = P (dpcm))

44 44*
4
= AB=AC =4/b—2—£;BC =24/—i
16a° 2a 2a

STUDY TIPS
Qua day ta rut ra két qua,
d€ d6 thi ham sO
y=ax'+bx’ +c,
(a # 0) ¢ ba diém cyec tri

tao thanh tam giac vudng
3

can diéu kiénla — =-8.
a

Ta loai duwoc diéu kién a, b
trai dau do tir cong thire
cudi cung thu dugc thi ta
ludn cb a, b trai dau.

Bai toan 1: Tim tat ca cac gia tri thuc cia tham s6 m d€ d6 thi ham s&

y=ax*+bx* +c, (a = 0) 6 ba diém cuc tri tao thanh tam giac vudng.

Loi giai tong quat
Véi ab <0 thi ham sd cé ba diém cuc tri.
Do diém A(0;c) ludn ndm trén Oy va cach déu hai diém B, C. Nén tam gidc ABC
phai vudng can tai A. Diéu nay twong duong véi AB L AC (do AB= AC c¢6san

roi).
. 2\ 2
Mit khic ta c6 AB=| - -2~ 2 | AC= /_i b
2a  4a 2a  4a
n TR b b b
Do AB1 AC nén AB. AC=0& —+ 2:0<:>—:—8
2a 16a a

Vi du 1: Tim tdp hop tat ca cac gia tri thye caa tham s6 m d€ d6 thi ham s6
y=x"-8m’x*+3 ¢ 3 diém cuc tri tao thanh ba dinh ctia mot tam gidc vuong

can.

S
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STUDY TIPS
Doc gia nén lam cac bai
tap rén luyén nay ma
khéng nhin lai cong thitc
d€ c6 thé ghi nho cong
thitc lau hon.

Cach 1: Loi giai thong thuong. Céch 2: Ap dung cong thitc.
TXD: D=R. Dé cic diém cuec tri ctia d6
Ta c6: y’=4x(x2—4m2). thi ham s6 1a ba dinh cua

mot tam gidc vuong can thi
Ham sO c6 ba diém cuc tri khi va chi khi \ ( - )3

—8m
phuong trinh y'=0 cé 3 nghiém phan biét b -8 & T -8
a

<om=#0.

Sm==t—

Lic d6, ba diém cuec tri la:
A(2m;-16m* +3), B(0;3), C(-2m;-16m" +3)
Nén BA=BC.
Do d¢6, tam giac ABC cantai B
Khi d¢, tam gidc ABC vudng can khi
va chi khi: BABC=0& 4m?—256m" =0

o1-64m° =0 (m=0) | 2

Nhén xét: RS rang viéc nhé cdng thikc va lam nhanh hon r4t nhiéu so vdi viée suy ra
titng treeong hop mot.
Bai tap rén luyén lai cong thiec:
1. Cho ham s6 y =x* —2mx* + m” -2 . Tim m d& ham s3 c6 ba diém cuyec tri va cac diém
cue tri ctia d6 thi ham s6 1a ba dinh ctia mét tam gidc vudng?

A.m=1 B.m=-1 C. m=2 D.m=-2
2.Choham s§ y =f(x)=x"+2(m-2)x*+m*-5m+5 (C, ). Gid tri nao cia m dé do thi
ctia ham s& da cho ¢6 cac diém cuc dai, cue ti€u tao thanh mot tam giac vudéng can
thudc khoang nao sau day?

A. [ggj B.[%;%). C. [0;%). D.(-1,0).

3. Tim tat ca cac gia tri thuc cua tham s6 m d€ d6 thi ham s6

y=-x'+ (m - 2015)x2 +2017 c6 3 diém cyc tri tao thanh tam gidc vudng can.
A. m=2017 B. m =2014 C. m=2016 D. m=2015

4. Tim tat ca cac gia tri thuc cua tham s6 m d€ d6 thi ham s6

y=x"+ Z(m + 2016)x2 -2017m +2016 c6 ba di€m cuec trj tao thanh tam gidc vudng can.
A. m=-2017 B. m=2017 C. m=-2018 D. m=2015

5. Tim m d& d6 thi ham s& f(x) =x! —Z(m + 1)x2 +m? cé cac diém cuc dai, cuc tidu tao

thanh mot tam gidc vudng.

A.m=2. B.m=-1. C.m=0. D.m=1.
Pap an
| 1A | 2.A | 3.A | 4.A | 5.C |

Bai toan 2: Tim tat ca cac gia tri thuc cia tham s6 m d€ d6 thi ham s&

y=ax'+bx’ +c, (a # 0) 6 ba diém cuc tri tao thanh tam giac déu.
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STUDY TIPS
Qua day ta rut ra két qua,
dé do thi ham s6

y=ax'+bx*+c,
(a #* 0) co ba diém cuec tri

tao thanh tam gidc déu

3
thi b— =-24.

a

STUDY TIPS

Qua déy ta rut ra két qua,
dé& d6 thi ham s6
y=ax'+bx*+c,

(a * O) ¢ ba diém cuc tri

tao thanh tam giac déu
3
i 2= g
a
Ma tam giac vudng thi
b3
o=
“Vubng -8, déu -24”

-8.

25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Loi giai tong quat
Vi ab <0 thi ham sd c6 ba diém cuec tri.
Do AB= AC, nén ta chi can tim diéu kién 4 AB=BC.
Mat khac ta c6

4
= AB=AC=,| b —i;BczzJ—i
16a*> 2a 2a
2b

4
Do vay AB:BC<:>—£+ b S=—— | —=-24
2a 16a a a

Vi du 1: Tim tt ca cac gia tri thuc ctia tham s6 m sao cho d6 thi cua ham s6

y=x"-2mx* +m—1 c ba diém cuec tri tao thanh mot tam gidc déu. Ta co két

qua:
A.m=3 B. m=0 C.m>0 D.m=§/§
Pap an D.
Loi giai

Ap dung cong thiic vira chitng minh ¢ trén ta c6

3
£=_24<:>(_2—m)
a

Bai tap rén luyén lai cong thiec:

= 2Uom=33.

1. Cho ham s8 y =x*+2(m-2)x* + m* —5m +5(C, ). Vi nhiing gia tri nao ctia m thi
do thi (Cm) 6 diém cyc dai va diém cuc tiéu, dong thoi cac diém cuc dai va diém cuc
tiéu 1ap thanh mot tam gidc déu?

A m=2-3 B. m=2+33

C.m=5-23 D.m=5+233

2.Cho ham s6 y = gx“ +3(m—2017)x* —2016 ¢6 dd thi (C, ). Tim tat ca céc gia tri cua

m sao cho d6 thi (C_)cé ba diém cuc tri tao thanh tam giac déu?
A. m=2015 B. m=2016 C. m=2017 D. m=-2017
3. Cho ham s6 y =x" —2mx” +2. Tim t4t ca c4c gid tri ciia m sao cho d6 thi ham s& cd ba
diém cuec tri tao thanh tam giac déu?
A.m:%/g B.m:—%/g C.m=\/§ D.mz—\/g
4. Cho ham s6 y =-mx* +2mx”* —m . Tim t4t ca c4c gid tri ciia tham s8 m sao cho db thi
ham s8 ¢é ba diém cuc tri tao thanh tam gidc déu.
A.m:\/g;m:—\/g;mzo B.m:—\/g;m:\/g
C. m=0 D. m=3
Pap an
| 1A | 2B | 3A | 4B |

Bai toan 3: Tim t4t ca cdc gia tri ciia tham s6 m d€ d6 thi ham s6 y =ax* +bx’ +¢,

(u Z O) ¢ ba diém cuec tri tao thanh tam giac c6 dién tich bf:?mg So-

Loi giai tong quat
Goi H 1a trung diém ctia BC thi Idc nay H nam trén duong thang chira doan
théang BC (hinh vé).

\x

>
>
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bZ
4a

Luc nay H(O;—fj = AH = [0;— J Dién tich tam giac ABC duoc tinh bé“mg
a

2 2 2
cong thue: S, :%.AH.BC =87 :%.[—%J .(2. —i]

4 5
ga 1 b b g. b

" T 416a a4 " T 30
Vi du 3: Cho ham s8 y =x*—2mx* +2m+m*. Vi gia tri nao ctia m thi d6 thi
STUDY TIPS ‘o~ e . NP . . N e
Qua day ta rdt ra két qua, (Cm ) 0 3 diém cuec tri, dong thoi 3 diém cuec tri d6 tao thanh mot tam gidc cd
& do thi ham s& dién tich bang 4
L4 2
y=axi+bx+e, A. m=316 B. m=16 c. m=316 D.m=-16

a #0) co ba diém cuyc tri .

( ) " DapanA.

tao thanh tam giac c6

dién tichla S, thi c6 diéu
bS

32a°

Loi gidi
Ap dung cong thic ¢ trén ta co, ham s6 c6 ba diém cuec tri tao thanh mot tam

gidc c6 dién tich bing 4 < 32.0°S7 +b° =0 < 32.1°47 +(-2m) =0 < m=7/16.

kiénla S* =—

Bai tap ren luyén lai cong thirc:

1. Cho ham s6 y =x* —2m’x” +1. Vi gi4 tri nao ctia m thi d6 thi ham s& da cho c6 3
diém cuc tri, dong thoi 3 diém cuc tri d6 tao thanh moét tam gidc ¢6 dién tich bf“mg 32.
A . m=2,m=-2 B. m=0m=2
C.m=0m=-2 D.m=2m=-2m=0
2. Cho ham s8 y =f(x) = —x* +2(m -2)x* + m* —5m +5 . Tim tat ca cac gia tri cia m dé
d6 thi ham s& da cho c6 3 diém cyc tri tao thanh mdt tam giac c6 dién tich bang 1.
A.m=3 B. m=43 C.m=2 D. m=+2
3. Cho ham s8 y =3x* —2mx* +2m +m* . Tim t4t ca c4c gid tri cia m dé& do thi ham s6
da cho cé ba di€m cyec tri tao thanh tam giac c6 dién tich béng 3.
A.m=3 B. m=-3 C. m=4 D. m=—4
4. Cho ham s6 y=x"+2mx*—m-1 (1), v6i m 1a tham s& thuc. Xac dinh m dé ham s&
(1) c6 ba diém cyc tri, dong thoi cac diém cuc tri cua d6 thi tao thanh mét tam giac cd
dién tich bang 42 .
A.m=2 B. m=-2 C. m=4 D. m=—4
Pap an
| 1A | 2A | 3A | 4B |

Bai toan 4: Tim tat ca cac gia tri thuc cua tham s6 m d€ d6 thi ham s&
y=ax"+bx’+c, (u ¢O) ¢ ba diém cyc tri tao thanh tam gidc ¢ dién tich 16n

nhat.

Loi giai tong quat
b5
32a°

O bai toan 3 ta c6 S, =-

1o
Do vay ta chi di tim | Max b
324’

Bai toan 5: Tim tat ca cac gia tri thuc cta tham s6 m d€ d6 thi ham sd
y =ax* +bx’ +C,(El 7&0) c6 ba diém cyc tri A; B; C tao thanh tam giac ABC trong
do B;C €Ox.
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Loi giai tong quat

c#0
c#0
Tam gidc ABC c6 hai difém cuctri B;CeOx << A S
——= b* —4ac=0
a

Bai toan 6: Tim tat ca cac gia tri thuc caa tham s6 m d€ d6 thi ham so
y=ax* +bx* + c,(a # O) c6 ba diém cyc tri A; B; C tao thanh tam gidc ABC trong
d6 BC =kAB=kAC; (k>0).

Loi giai tong quat

= AB= AC_,/ BC 24/——
164>

Tacd BC=kAB < 24/——

< b*k* - 8a

(kK -4)=0.

164>

Bai toan 7: Tim tat ca cac gia tri thuc cua tham s6 m d€ d6 thi ham s&

y=ax* +bx’ +¢, (a = 0) c6 ba diém cuc tri tao thanh tam giac c6 goc o dinh can

bang o
STUDY TIPS ’ Loi giai tong quat
Qua day ta rut ra két qua, Cach 1:
d€ o thi ham 5§ : ‘
ede 41 an; 50 Tacd cosa= ﬁiq < AB.AC—- AB.coso.= 0<:>£ b - —E b .cosa=0
y=ax'+bx*+c, |AB ||AC| 2a 164> 2a 164>
a #0) co ba diém cuc tri 3
(2+0) <:>8a+b3+(8a—b3).cosoc:0:> cosa =2 +8a
tao thanh tam gidc c6 goc b’ —8a
& dinh T a thic diéu Céch 2:
kién Ia coso. = % Goi H la trung diém cua BC, tam giac AHC vudng tai H co:
—-8a
o and = HC_ BC _ por g AR an? % =0 |8a+b . tan? L =0
Hosc 8a+b3.tan25:0 2 AH 24H 2 2

STUDY TIPS
Qua day ta rut ra két qua,
dé do thi ham so
y =ax*+bx*+c,
(a #0 ) c6 ba diém cuc
tri tao thanh tam giac co
ba géc nhon thi
b.(b* +8a)>0.

Bai toan 8: Tim tdt ca cac gid tri thuc cua tham s6 m d€ d6 thi ham s6

y=ax' +bx’ + c,(u # O) c6 ba diém cuc tri tao thanh tam giac ¢ ba goc nhon.

Loi giai tong quat
Do tam giac ABC la tam giac can nén hai géc & day bang nhau. Mot tam giac
khong thé ¢ hai goc tl, do vay hai goc & day cua tam giac ABC ludn la goc
nhon. Vi thé cho nén dé tam giac ABC la tam giac c6 ba goc nhon thi goc ¢ dinh
phai 12 géc nhon. Ttic 1a tim diéu kién d€ BAC = « 1a géc nhon.

e o — b3 + 8a
O bai toan trén ta vira tim dwoc cos BAC = cosa = 7 _8a
—8a
3
Dbé goc BAC nhon thi w >0
b’ —8a
Cach khac dé rit gon cong thirc:
Do cosa = _£ nén dé€ «la gbc nhon thi il?ﬁ >0
|ABJJAC] |4B][ac]
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|‘ Ma |ﬁ||ﬁ|>0 do d6 EB.R>O<:>£+£2>O & b.(b3+8a)>0
2a 16a

Bai toan 9: Tim tat ca cac gid tri thuc cua tham s6 m d€ d6 thi ham sd
/= ax* +bx* + c,(a = 0) c6 ba diém cuc tri tao thanh tam giac c¢6 ban kinh duwong

tron ndi tiép 1a r.

Loi giai tong quat
Taco S, = p.r (cong thirc tinh dién tich tam giac theo ban kinh duong tron ndi tiép).

bS
2., /——
25, 324° B b?

r= = <Sr=—
AB+AC+BC 2\/ b bt 2\/ b b
-+ +2,|—— -2

2a 164° 2a 4|a|. eyt 8a

Bai toan 10: Tim tat ca cac gia tri thyc cta tham s6 m dé d6 thi ham so

y=ax*+bx* + c,(a # 0) c6 ba diém cyc tri tao thanh tam giac ¢4 ban kinh dwong

tron ngoai ti€p 1a R.

Loi giai tong quat
AB.BC.CA
4R

Goi H la trung diém cua BC, khi d6 AH la duong cao cta tam gidc ABC, nén

Trwdc tién ta cé cac cong thirc sau: Sy =

1 AB.BC.CA
—AHBC=—"—""—< 4.R>.AH? = AB*
2 4R

4 s Y b -8
4.R%. b = —£+ b = R=2"2
164> 20 164> 8.|a|.b

Bai toan 11: Tim tat ca cac gia tri thuc ctia tham s6 m d€ d6 thi ham s&
y=ax'+bx* + c,(a # 0) c6 ba diém cyec tri tao thanh tam gidc cd

a.Co do dai BC =m,.

b.C6 AB=AC=n,.

Loi giai tong quat

O ngay dau Dang 3 ta da c6 cac cong thic

[ b A [ b A
A(0;c);B| —|——;—— [;C| 4|——;—| v6i A=b" -
(,c) ( a 4a} [ % 4“} vOi A=b"—4ac
4
— AB=AC= /b——ﬁ;Bczz b
164> 2a 2a

Do vay ¢ day vodi cacy a, b ta chi can st dung hai cong thirc nay. Day 1a hai

cong thitc quan trong, viéc nhé cong thic dé€ ap dung la diéu can thiét!

Bai toan 12: Tim tat ca cac gid tri thyc ctia tham s6 m dé€ d6 thi ham s&
y=ax'+bx* + c,(a # 0) c6 ba diém cuec tri tao thanh tam giac

a. nhan gdc toa do O la trong tam.

b. nhén gdc toa d6 O lam truc tam.

c. nhan gdc toa do O lam tam duwong tron ngoai ti€p.
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Loi giai tong quat
a. Nhén goc toa do O 1am trong tam.

a. O cdng thitc vira nhac lai ¢ bai toan 9, ta ¢d toa dd cac diém A, B, C thi chi can

X, +X,+X Yy, +
ap dung cong thic x, =—4 33 Yo = Ya y; Ye (v6i G 1a trong tam tam
giac ABC).

STUDY TIPS

Véi nhitng dang toan 0+ — _i + _i =30

nay, ta luu y ta ludn ¢ Liie nav ta ¢ 2a 2a :>—b—2+3c=0

tam giac ABC can tai A, ucnaytaco 2 b 2a

nén ta chi can tim mot c+ __a +c+ __u +c=3.0

diéu kién la ¢ d4p an

cua bai toan. -

b. Nhén goc toa do O lam trwc tam.

Do tam giac ABC can tai A, ma A nam trén truc Oy nén AO ludén vuodng géc voi
BC. Do vay d€ O 1a truc tam ctia tam gidc ABC thi ta chi can tim diéu kién d€
OB 1L AC hoidc OC L AB.

N bbb s ,
OB1LAC< OBAC=0<—+ ——=0<b"+8ab—-4abc=0

2a 164> 4a
< |b® +8a—4abc=0

c. Nhan O lam tdm dwong tron ngoai tiép.

Dé tam giac ABC nhan tdm O lam tdm duong tron ngoai tiép thi OA=0B=0C
Ma taludén c6 OB=0C, do vy ta chi can tim diéu kién cho

4 2
OA=0B& ¢’ __ b, U 2%
2a 164> 4a

<:>|b378a78abc:0|

Bai toan 13: Tim tat ca cac gia tri thyc cta tham s6 m dé d6 thi ham sd

+c2 < b* —8ab*c—8ab=0

y= ax* +bx* + c,(a = 0) €6 ba diém cuc tri tao thanh tam giac sao cho truc hoanh
y

chia tam gidc ABC thanh hai phan c6 dién tich bang nhau.

Loi giai tong quat
Goi M, N 1a giao diém ctua AB, AC v6i truc hoanh, ki hiéu nhw hinh vé
SAMN
Ta c6 AANM ~AACB = ==

OAY 1 1 e hodmih chia tam side ABC
O SABC AH 2( O ruc hoa Cchia tam glac
N

thanh hai phan c6 dién tich bang nhau).

=z
/

C = AH =\20A & |b° =4\/E|ac|
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STUDY TIPS
Luu y cong thike

u(x) _u'(x)

v(x) V()

quyét cac bai todn mot

dé giai

cach nhanh gon hon.

2.3. Xét ham phan thiec.
Trudc tién ta xét bai todn lién quan dén cuc tri ham phan thic néi chung. Ta co
mot két qua kha quan trong nhu sau:

Xét ham s§ dang f(x)= “() e dinh trén D
\x

thi ta & f'(x)z u'(x).v(x)— u(x).v'(x) .

biém cuec tri cia ham s6 nay la nghiém ctia phuong trinh

f’(x)=0 o u’(x).v(x)—u(x).v’(x) _o

Nhan xét: Biéu thirc trén dwoc thoa man boi cdc gid tri la cuec tri ctia ham s§'dd cho. Do d6, thay
vi tinh tryc tiép tung dg ciia cdc diém cuec tri, ta chi cin thay vao biéu thirc don gidn hon sau khi
da 1dy dao ham cd tie ldn mdu. Van dung tinh chat nay, ta gidi quyét dwoc nhiéu bai todn lién
quan dén diém cwc tri clia ham phin thikc.

Vi du: Viét phuong trinh duong thang di qua hai diém cuc tri ctia d6 thi ham

2
~ ax® +bx +c
O y=———-—,a#0,a'#0.
a'x+b

Theo cdng thirc vira néu o trén thi ta lan lwot tim biéu thitc dao ham ctia tir s6
va mau so.

Suyra|y = M la phuong trinh duong thang di qua hai diém cuc tri (néu
a
o e o~ AXT+bx+c
c6) cua d6 thiham s6 y=————,a2#0,a"'#0.
a'x+b
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Boc thém:
Phudng phap st dung may tinh cam tay dé giai nhanh cac bai

tap dinh tham s6 m dé ham f(x) dat cuic dai (cuc tiéu) tai x
Cach 1: Stt dung TABLE

Cach lam: Ta st dung tinh ndng bang gia tri TABLE ctia may tinh d€ nghién ctu
nhanh déng diéu ctia d6 thi trén doan (XO -0,5x, +0, 5) v6i 4 gid tri tham sd

ma dé cho.

Ta lan luwot gan 4 gia tri @ phan dap ancho A, B, C, D b.:ng lénh gan gia tri

SHIFT STO.
Do chitc ndng TABLE ctia may tinh cam tay Fx 570 VN Plus c6 thé chay

dwoc 2

ham s§ f (x) va g (x) nén mot [an thir ta thie duwoc 2 phuong én. Do vay, ca

bai todn ta chi can thit hai an.

Vi du 1: Vi gid tri nao cta tham sd thuc m thi ham s6
y=§—2mx2 +3m’x —3m

dat cuc tiéu tai x=-1.

B. m=1

A. m=-1 C.m=

W=
(O8]

Pap an A.
Loi giai

Lan luot gan 4 gia tri cia m & 4 phuong an A, B, C, D cho cacbién A, B, C, D

trén mdy bang 1énh SHIFT STO nhu sau:
An-1 (STO) ()| A.

Twong tur voi cac phrong an con lai.

An MODE 7: TABLE

3

Nhap ham f (x) =~ 2AX? + 347X - 3A. (12 ham s5 da cho khi m=—1 6

phuong an A). Sau d6 an =, may hién g(x) = tanhap
g(x)zx—a— 2BX* +3B°X - 3B &n=
3
Start? Chon —-1-0,5
End? Chon -1+0,5
STEP? Chon 0.1

May sé hién bang gia tri ciia ham s da cho trong hai truong hop ¢ phuong an

A va B nhu sau:

1] Math L] Math 1] Math
ﬂ,.__ FiH (] b F iy GLHy b F i GLRy
STUDY TIPS 1 “| 1.B15]-13. 18 Ul =l1.2] 1.104]=-10.05 1| =-0.9] 1.677]-1.563
RN . — g| -l-4|l.B053|-12.03 g -|!| l.6163|-9. 163 Bl - 1.1093| -E.«B5
O bai dang nay, ta chi can al -1.3l1.unel-1 I:I..I:II5 B | BBER -E.a!EIi g M | 1.1B5E -E.Ellsll?
dé€'y xem gia tri cia ham : :

s0 thay d6i nhu thé nao
khi qua x = x )

Ta thdy o truong hop F (x) tiec 1a truong hop phuong an A. Ta thay ti

x =-1,5 chay dén x=-1 thi gid tri cia ham s6 giam, ttr x=-1 dén x=-0,7 thi

gié trj cia ham s8 ting, tic 1a ham s6 nghich bién trén (-1;5;-1) va dong bién
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[F] Math

E4IMZ 03|y

[F] Math

[ £ -MxZ 42

trén (—1; —0,7) . Vay x=-11la diém cuc tiéu cua ham sg, vay A thdéa man. Ta
chon A ma khong can xét B, C, D.
Vi du ap dung;:
Véi gia tri nao ctia m thi ham s8 y = x> —=3mx+2m dat cuc dai tai x=27

A.m=4 B. m=—4 C. m=0 D. Khong c¢6 gia tri cuia m.
Pap an D.
Cach 2: St dung chttc nang d—D .

X

Cach lam: Thr cac gia tri ciia tham s§ m & cac phuong an, xem phuong 4n nao
Iam dao ham bfing 0, néu c6 nhiéu phuong an cung lam dao ham bf?mg 0, thita
xét dén y".
Cling xét vi du 1 ¢ trén thi ta co:
& ° :
Stt dung nut SHIF , nhap vao may nhu sau:
3
41X oMx? 4 3M2X - 3M
dx| 3 e
Tiép theo &n CALC nhap X=-1; M=-1, mdy hién bang 0, thoa man. Chon A.
Chu y: O c4ch lam nay, ta can luu y cac treong hop f' (xo ) =0 nhung X,

khong phai 1a diém cyec tri ctia ham s6.
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Bai tap ren luyén ky nang

I. Cac dang tinh toan thong thuong lién quan dén cuc tri

Cau 1: S8 diém cyc dai ctia d6 thi ham s6 y = x* +100 1a:

A.0 B.1 C.3 D.2
Cau2:Hams6 y=x* +2x* +2017 c6baonhiéu diém cuyc tri?
A. 1 B.2 C.0 D.3

Cau 3: Cho ham s8 y :%xg' +4x* —8x+5 ¢6 hai diém

cuctrila x,,x,. Hoi téng x, +x, la bao nhiéu?

A. x, +x,=8 B. x, +x,=-8
C.x +x,=5 D. x,+x,=-5
Cau 4 Ham s8 y=f(x) o dao ham
£'(x)=(x~1)" (x—3). Phat biéu nao sau day 1 dung?

A. Ham s6 ¢ mot diém cuc dai.

B. Ham s6 c6 hai diém cuc tri.

C. Ham s6 ¢6 dung mot diém cuec tri.

D. Ham s6 khéng c6 diém cuec tri.
Cau 5: D6 thi ham s6 y=x"-3x"+1 ¢4 diém cyc dai la:

A.1(2;-3) B.1(0;1) C. 1(0;2) D. Pap an khac
Cau 6: Ham s§ y=x"+2x* +2017 c6 bao nhiéu
diém cuec tri?

Al B.2 C.0 D.3
Cau 7: Cho ham s6 y=x-3x*+3x+1. Khing dinh
nao sau day la dung?

A. Ham s6 dat cyc tiéu tai diém x=1

B. Ham s8 dong bién trén (1;+e) va nghich bién
trén (—o0;1)

C. Ham s6 dat cuc dai tai diém x=1

D. Ham s6 dong bién trén R
Cau 8: Choham 8 y = f(x)cd d6 thi nhu hinh vé bén,
cac khang dinh sau khing dinh nao la dting?

A

_} /

-1

A. Ham s§ dat gia tri nho nhat bang —1 va dat gia
tri 16n nhat bang 3

B. D6 thi ham s8 ¢6 diém cuc tiéu A(fl;fl) va
diém cuc dai B(1;3)

C. Ham s6 ¢6 gid tri cuc dai bang 1

D. Ham s6 dat cure tiéu tai A(—l;—l) vacucdaitai B (1; 3)

Cau 9: Cho ham s8 y = f(x) xac dinh trén R\ {—1;1},
lién tuc trén moi khodng xac dinh va cé bang bién
thién sau:

x —0 -1 0 1 +00

1

y + + H- +

y +00
3/

—00/2\—00 —oo/'_3

Hoi khang dinh nao dudi day 1a khang dinh sai?

A. Ham s8 khéng c¢6 dao ham tai x =0nhung van
dat cuctritai x=0

B. Ham s6 dat cuc tiéu tai diém x =1

C. D06 thi ham s8 ¢6 hai tiém can ding la cac duwong
thang x=-1 va x=1

D. D6 thi ham s& ¢é hai tiém cén ngang 1a cac
duong thing y=-3 va y=3
Cau 10: Khang dinh nao sau day la khang dinh dting?

\ ” 1 e s .
A.Ham s0 y=2x "1 c0 hai diém cuec tri.
X+

B. Ham s8 y=3x"+2016x+2017 c6 hai diém cuc trj.
2x+1

C.Hams6 y = ¢6 mot diém cuee tri.

D. Ham s6 y=-x"—3x"+2 c6 mot diém cuec tri.

Cau 11: S8 diém cyc trj ciaham s§ y = |x|3 —4x% +3 bang;

A. 2. B. 0. C.3. D. 4.
Cau 12: Ham s y=x*+x"+1 dat cuc tiéu tai:

A. x=-1. B. x=0.

C.x=-2. D. x=1.

Céu 13: Cho ham s8 y = f(x) xéac dinh, lién tuc trén

R va cé bang bién thién:

X —0 -1 0 2 +00
v -0 + || - 0o o«
y

+00 0 +00

AW B} /’ \ ) /
Khang dinh nao sau day la khang dinh ding ?

A. Ham s6 c6 dang hai cuec tri

B. Ham s6 c6 gia tri cuc tiéu béng -1 hodc1

C. Ham s& c6 gia tri 16n nhat bang 0 va gia tri nho
nhét bang -3

D. Ham s6 dat cyre dai tai x=0

Cau 14: Ham s6 y = x° —3x” —1 dat cuec tri tai cdc diém
nao sau day?

A, x=12 B. x=+1

C.x=0;x=2 D. x=0;x=1
Cau 15: Heé thizc lién hé gitra gia tri ciee dai y,, va gia

tri cuc tiéu y., ciahams6 y=x"—2x la:
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A Yer +Yep =0 B'zyCT :3yCD
& Yer = zyCD D. Yor =Yep
Cau 16: Cho ham s8 y = f(x) xédc dinh, lién tuc trén

R va c6 bang bién thién:

1 +00
- 0 +

—o0 -1
Yy - 0+

AR

Khang dinh nao sau day la sai?

NS9O

A. M (0; 2) duoc goi la diém cuc dai ctia ham s6

B. f(—l) duoc goi la gia tri cuee tiéu cua ham s6

C. Ham s& dong bién trén cac khoang (-1; 0) va
(17+2)

D. x, =1 duoc goi la diém cuee ti€u ctia ham s6
Cau 17: Cho ham s8 y =x° —6x* +9x-2(C). Puong
théang di qua diém A (—1; 1) va vudng goc voi duong

théng di qua hai diém cuec trj ctia (C ) la:

1 3 1 3

A y=—x+—- B.y=—x+—-

YT TR
C.y=x+3 D. x-2y-3=0

Ciu 18: Tinh khoang cach gitra cac di€ém cuc tiéu cua
d6 thi ham s8 y = 2x* —/3x> +1.

A. 243 B.\3 C. 23 D. {3
Cau 19: Tim tit cad cidc diém cuc dai cia ham s6
y=-x"+2x"+1.

A.x=121 B.x=-1 C. x=1 D. x=0
Cau 20: Ham s3 y = f(x) lién tuc trén R va o6 bang bién
thién nhu hinh vé bén. Ménh dé nao sau day la dung?

X —00 1 2 +00
y L I | R
Yy 3 B +00

T~

A. Ham s6 da cho c6 hai diém cuec tri.

B. Ham s& da cho khong cé gid tri cuc dai.
C. Ham s6 da cho c¢6 dung mét diém cuc tri.
D. Ham s6 da cho khong c6 gid tri cuc tiéu.
~ N ~ 2 ~ s
Cau 21: Cho ham s8 y=x* —§x3 —x%. Ménh dé nao
sau day la dung?
A. Ham s6 c6 gid tri cyc ti€u 1a 0.
R Nl e s 1 2 5
B. Ham s0 c6 hai gia tri cuc tiéula -= va ——.
3 48
C. Ham s6 chi c6 mét gia tri cuc tiéu.

N o 2
D. Ham s06 co gia tri cye tiéu la -3 va gia tri cuec

daila -2
18

Cau 22: Cho ham s6 y = (x—l)(x+2)2. Trung di€ém
cua doan théng ndi hai diém cuec tri ctia d6 thi ham s&
nam trén duong thang nao dudi day?

A. 2x+y+4=0. B. 2x+y-4=0.

C. 2x-y-4=0. D. 2x-y+4=0.
Cau 23: Cho ham s§ f <6 dao ham la
f’(x) = x(x—l)2 (x+ 2)3 véimoi x e R . SO diém cuc tri
ctahamsd f la

A. 0. B. 1. C. 2. D. 3.

Céu 24: Cho ham s6 y = f(x) lién tuc trén R va c6

bang bién thién nhu sau:

X —0 -2 0 +00
y + 0 - 0 +
y 0 +00

—0
Khang dinh nao sau day la khang dinh SAI ?
A. Ham s6 dong bién trén khoang (0;+w).

B. Ham s0 dat cuc ti€u tai x=0.

C. Ham s0 dat cyc tiéu tai x =-2.

D. Ham s6 nghich bién trén khoang (-2;0) .
Cau 25: Cho ham s6 y=f(x)c6 dao ham
f'(x)=(x-1)*(x+2) xac dinh trén R. Ménh dé nao
sau day 1a ménh dé dung?

A. Ham s6y=f(x)dong bién trén khoang

(~2; +o0).

B. Ham s8 y = f(x) dat cuc dai tai x =-2.

C.Ham s6 y = f(x) dat cuc tiéu tai x=1.

D. Ham s6 y = f(x) nghich bién trén khoang (-2;1).
Cau 26: Két ludn nao sau day vé cuc tri cia ham s6
y=x5" la dung?

\ N s aem 1 1
A. Ham s0 ¢6 diém cuc daila x = 5
n

B. Ham s6 khong c6 cuc tri.
C. Ham s0 c6 diém cyc tiéula x=—.
In5
D. Ham s6 c6 diém cyec daila x =In5.
Cau 27: Cho ham s6 y = f(x) c6 bang bién thién nhu

sau
x —00 -1 0 1 +00
y' - 0 +0 - 0 +
y +00 3 +00
\ 0 /7 \ ) /7

Ménh dé nao dudi day la sai?
A. Ham s6 c6 ba diém cuec tri.
B. Ham s6 ¢6 gia tri cwee dai bf“mg 3.
C. Ham s6 ¢6 gia tri cuc dai bé“mg 0.
D. Ham s0 c¢é hai diém cuec tiéu.
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Cau 28: Db thi ctia ham s8 y=x"-3x"—9x+1 c6 hai
diém cuc tri A va B. Diém nao dudi day thudc duong
thang AB?

A. P(1;0) B. M(0;-1)
C. N(1,-10) D. Q(-1;10)

1. Tim diéu kién dé ham s c6 cuc tri théa man diéu kién cho trudc.

Cau 29: V6i gid tri nao ctia m thi ham s6
y=x"—m’x* —(4m—3)x -1 dat cuc dai tai x=1?
A.m=1vam=-3 B. m=1
C. m=-3 D. m=-1
Cau 30: Tim t4t ca cac gia tri thye ctia tham s& m sao
choham s8 y=x>—3mx* +3m+1 c6 2 diém cuec tri.
A.m>0 B. m<0
C. m>0 D. m=0
Ciu 31: Tim t4t ca cac gid tri thyc cta tham s6 m sao
cho ham s8 y=x"-3x" +mx—1c6 hai diém cuc tri
x,,x, thbaman x*+x,” =3.

A. -3 B.3 C. 3 D. 3
2 2

CAu 32: Tim m d€ ham so:
y :%xS — mx? +(m2 +m—1)x+1 dat cuwec tri tai 2 diém

x,,x, thoa man |xl +x2| =4.

A.m==%2 B. m=-2

C. Khong ton tai m D. m=2
Cau 33: Tim tat ca cdc gid tri thwe ctia tham s6 m sao
cho ham s8 y =x°+(m—-1)x* -3mx+1 dat cuc tri tai
diém x, =1.

A.m=-1 B.m=1 C.m=2D.m=-2
Cau 34: Tim t4t ca cac gia tri thuc ctia tham s6 m sao
choham s6 y=x*+2mx* +m” +m c6 ding mot diém
cue tri.

A.m=>0 B. m>0 C. m<0 D. m<0
Cau 35: Tim tat ca cac gid tri thuc cua tham s6 a sao

\ o 1 1 ..
choham s6 y ==—x*—=x+ax+1 dat cyc tri tai X, X,
3 2

théa man: (x12 +x, + 2a)(x§ +x,+ 211) =9.

A.a=2 B.a=-4 C.a=-3 D.a=-1
Céu 36: Tim t4t ca cac gid tri thuc ctia m d€ ham s6
y=4x" +mx* —12x dat cyc tiéu tai diém x = -2.

A. m=-9 B. m=2

C. Khong ton tai m D. m=9
Céu 37: Tim tat ca cdc gid tri thwc ctia tham s6 m sao
cho ham s8 y = mx* + (m2 —2)x2 +2 ¢6 hai cuc tiéu va
mot ciee dai.

A. m<—\/5 hoac O<m<x/§.

B. V2 <m<0.

C. m>+2.

D.O<m<«/§.

Cau 38: Tim tat ca cac gid tri thuc ctia tham s6 m sao
cho d6 thi ham s8 y =x* —2mx* +2m ¢ ba diém cuc
tri tao thanh tam giac 6 dién tich bﬁ?mg 1.
1
A.m=— B. m=3
a

Cau 39: Tim t4t ca cac gid tri thuc ctia tham s6 m sao

C.m=-1D. m=1

cho d6 thi ham s8 y =x* —2mx* +2m+m" c6 ba diém
cyec tri tao thanh mét tam gidc déu.
A.m= 3/5 B.m=1- %/5
C.m:1+x3/§ D.m:—%/g
Cau 40: Tim m 43 d6 thi ham s6
y=x"+2(m-1)x* +2m—>5 cb ba diém cyc tri 1ap thanh

tam giac déu?

A m=1. B.m=1-33.
C.m:l+3/§. D.mzl—\/g.

Cau 41: Cho ham s8 y =x* —2mx* +m? —2. Tim m d€
ham s6 cé 3 diém cuec tri va cac diém cuc tri cua d6 thi
ham s6 la ba dinh ciia mot tam gidc vudéng can?

A.m=1. B.m=-1. C. m=2. D. m=-2.
Cau 42: Cho ham s6 y=x"-2mx*+2m+m*. V6i gia
tri nao caa m thi &6 thi (Cm) 6 3 diém cuc tri, dong
thoi 3 diém cuc tri d6 tao thanh mét tam gidc c6 dién
tich bang 2.

A.m=¥4 B.m=16 C.m=%16 D.m==16
Cau 43: Puong thing di qua diém cuc dai, cuc tidu cta
d6 thi ham s8 y=x>-3mx+2 cit duong tron tam
I(l;l), béan kinh bf“mg 1 tai 2 diém phéan biét A,B sao
cho dién tich tam gidc IAB dat gid tri 16n nh&t khi m
6 gia tri la:

2443 :11\@

A. m= B. m
2 2
+4/ +4/
C.m:2_25 D.m:2_33

Cau 44: Cho ham s6
y=-2x° +(2m—1)x2 —(m2 —1)x+2 .
Hoi ¢6 tat ca bao nhiéu gia tri nguyén cta tham s6 m
déham sd da cho c6 hai diém cuec tri.
A. 4. B. 5. C. 3. D. 6
Cau 45: Tim tat ca cac gia tri thuc ctia tham s6 m dé
ham s§ y =" +x° —(Zm + 1)x +4 ¢6 dung hai cuec tri.

4

A.m<—. B.m>—2. C.m<—%. D.m>—é.
3 3 3 3
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Cau 46: Tim tt ca cac gid tri cua tham s6 m d€ ham

o 1 1 . . N
sO y :§x3 —E(m+5)x2 +mx co cuc dai, cuc tiéu va

|x xCT| =5.

A.m=0

Ccb
B. m=-6 C. me{6;0f  D.me{0-6
Cau 47: Biét do thi ham s8 y=ax’ +bx* +cx+d c6 2
diém cyc trila (-1;18) va (3;-16). Tinh a+b+c+d.
A. 0. B. 1. C. 2. D. 3.

Cau 48: Cho ham s8 f(x) =x" +In(x—m). Tim tat ca
gia tri thuc cua tham s6 m d€ ham s6 da cho c6 dung
hai diém cuec tri.

A. |m|>x/§

C. m<—/2. D. m>+2.
Cau 49: Cho d6 thi ham s6 y = f(x)=ax’ +bx’ +c 6
hai diém cuc tri la A(0;1) va B(-1;2). Tinh gia tri cua
a+b+c.

A. 0. B. 2. C.4. D.6.
Cau 50: Tim tét ca cac gia tri ctia tham s6 thuc m d€

B. m>2.
4

ham s& y:(l—m)x3 —3x% +3x-5 ¢ cuc tri?
A.m<1 B.m>-1 C.0<mzl D.m>0
Céu 51: Cho ham s6 y:%x3 +mx® +(2m—-1)x—1. Tim

ménh dé sai.

A. VYm <1 thi ham s6 c6 hai diém cuec tri

B. Ham s6 1ludn ¢ cuc dai va cuc tiéu

C. Vm #1 thi ham s6 cd cuc dai va cuc tiéu

D. Vm >1 thi ham s& cd cuec tri
Cau 52: Tim m d€ham s§ y = mx* +(m2 —9)x2 +1 ¢
hai diém cuc dai va mot diém cuec tiéu.

A. -3<m<0 B.0<m<3

C. m<-3 D. 3<m
Cau 53: Tim gid tri thyce ctia tham s6 m d€ duong
thing d:y = (Zm - 1)x +3+m vudng gdc vdi duong
thfmg di qua hai diém cuc tri ctia d6 thi ham s6
y=x"-3x"+1

3 3 1 1

A.m=— B.m=— C.m=-= D.m==
2 4 2 4

Cau 54: Tim t4t ca cdc gia tri thuc ctia tham s6 m d€
d6 thi ctia ham s8 y = x> —3mx* +4m’ c6 hai diém cuc
tri A va B sao cho tam gidc OAB c6 dién tich béng 4
v6i O la gdc toa do

B.m=-1m=1

C.m=1 D. m#0

Cau 55: Tim tét ca cac gia tri thee ctia tham s6 m d€
d6 thi ctia ham s8 y =x"* —2mx” ¢4 ba diém cuyc tri tao
thanh 1 tam giac c¢6 dién tich nho hon 1.

A. m<1. B. 0<m«<1.

C. m>0. D. 0<m<34.
Cau 56: T4t ca gia tri caa m d€ ham s§

(Cm):y:%x3 —(2m-1)x* +(1-4m)x+1 c6 hai diém

cuctri x,;x, sao cho 3x, +x, =41a

A m:z;m:Z B.m:O;m:l
3 2
C.m:l D.m:l
2 4

Cau 57: Diéu kién cua m d€ ham so (Cm):
yzéxs—mx2+(m2—m+1)x+1 cd cyc tri trong

khoang (1; +oo) la

A.m=>1 B. m>1 C.m>0 D. m<0
Ciau 58 Tim m d&€ do6 thi (C . ) :
y= %x3 —mx* —x+m+1co hai diém cuec tri va khoang
cach gitta hai diém cuc tri 1la nho nhat?

A.m=0 B.m=-1 C.m=5 D.m=2
Cau59: Timmdé (C, ):y =x* —2mx* +2m+m* c6 cuc
dai, cyc tifu ma cac cuc dai, cuc tiéu tao thanh tam
giac c6 dién tich bang 1.

A.m=2 B. m=0 C.m=-1 D.m=1
Cau 60: Tim m dé&

(Cm ) cy=x +2(m—2)x2 +m* —5m+5 cb cyee dai, cuc

ti€u tao thanh mot tam giac déu?

A.m:2;m:2—§/§ B. m=2
C.m:Z—Q/g;m:2+3/§ D.m:2—3/§

Cau 61: Tim m d€ (C,, ):y = x* —2mx* +m c6 ba diém
cuec tri A; B; C sao cho duong tron ngoai ti€p AABC c6
béan kinh bang 1?

—1+x/g

A.-m=1m=
2
~1++/5 -1-+5
B.m=1,m= ;m=
2 2
C.m=0m=1
D.m=2;m=_1;\/§.
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