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Tran St Ting

CHUONG IV
GIOI HAN

o r e

I. Giéi han cua day sé

Gidi han hiru han

Gidi han vo cuc

1. Giéi han dic biét:

lim ~=0; lim l=0(kez+)
n—>+o 1 n—+aw pk

lim ¢" =0 (g[<1); lim C=C
n—>+00 n—+0o

2. Dinh ,ll' N
a) Neu lim u, = a, lim v, = b thi

1. Gidi han déc biét:
lim~/n = +o0 limn* = +00 (ke Z")

limg" =40 (g >1)
2. Pinh li:

Iy e 1
a) Néeu 11m|un|:+oo thi lim—=0

u
n

olimu,+v,)=a+b

o lim (u,—vy) =a—b b) Néu lim u, = a, lim v, = +oo thi limu—”Z 0

} V
o [im (u,.vy,) = a.b . n
" u c) Neulimu, =a#0,limv,=0
. n X .
o lim—2t=— (meub=0) . _u, +00 néu av >0
v, b thi  lim L = Lo
B . v —o0 néu a.v, <0
b) Neu u, >0, Vn va lim u,= a n

d) Néu lim u, = +oo, lim v, = a

thi >0 va lim \Ju, =
thi  lim(u,.v,) = {

c) Néu |un|Svn, Vn va limv,=0
thi limu,=0

d) Néu limu, = a thi lim|u,|=ld

+00 néu a>0
—o0 néu a<0

* Khi tinh gioi han co mot trong cac dang vo

3. Tong ciia cdp sé nhdn lii vé han dinh: %, L w0— a0, 0.00 thi phdi tim cach khir
o0
u A e
S=utug+ug’ + .= 1—1 (|q| < 1) dang vé dinh.
—q

M@t s6 phwong phdp tim gidi han ciia ddy so:
e Chia cd tir va mau cho luy thira cao nhat cia n.

1 1

1+— [ 2 1+~ -3
+1 1 : +n— -
VD: @) lim——— = lim — = — b) lim A= N
2n+3 3 2 1-2n
2+— —=2
n n
. 2 ) ) 4 1
¢) lim(n” —4n+1)=limn 1——+—2 = 400
n n

e Nhan lwong lién hop: Ding cic hang dang thirc

(Na—o)Narvb)=a-b  (a-Vo)a> +3ap + Vo7 ) =a-

lim(m_n):lim(\]nz—Sn—n)(\]nz—3n+n):lim -3n 3
(\/nz—3n+n

VD:
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e Diing dinh li kep: Néu |un| <v,,Vn va limv,=0 thi limu, =0

) ) | | )
vD: @) Tinh lim22 . pi 0 <22 < vi lim==0 nén lim>mr =0
n n n n n
, .. 3sinn—4cosn ) 2 2,2 2
b) Tinh lim 5 . Vz|3s1nn—4cosn|£ (B“+4°)(sin“n+cos“n) =5
2n” +1
wén 05|3s1nn—4cosn|£ 5 .
| 2241 | 2241
- . .. 3sinn—4cosn
Ma lim 5 =0 nén lim 5 =0
2n” +1 2n” +1

Khi tinh cdc gidi han dang phén thirc, ta chii y mét sé trwong hop sau diy:

e Néu bdc ciia tir nhé hon bdc ciia mau thi két qua cia giéi han dé bang 0.

e Néu bdc ciia tir bang bdc ciia mau thi két qua cia gidi han dé bang ti sé cdac hé so cia luy
thira cao nhdt ciia tir va ciia mau.

o Néu bdc ciia tir Ién hon bdc ciia mau thi két qua cua gioi hgn do la +oo néu hé sé cao nhat
cia tr va mau cing dau va két qua la —oo néu hé so cao nhdt ciia tir va mdu trdi dau.

Bai 1: Tinh cac gidi han sau:

2 3 2
2) lim 2112 n+3 b) lim 2n +21 ¢) lim 3n” +2n" +n
3n" +2n+1 n’+4n® +3 n+4
4 2 4, .2
d) lim L ¢) limZ—H f) 1imz”+—”23
(n+1)(2+n)(n2+1) 2n" +n+1 3n° =21 +1
Bai 2: Tinh cac gidi han sau:
n n n+l1 n+l1 n+2
2) Tim > b) lim 2> 7 o limi 0~
4+3" 2.5"+7" 5" +8"
n n+l n_~n _ A nn n
d) limi e) 1imw f) limﬂ
1+5" 5" +2.7" 2" (3" - 5)

Bai 3: Tinh cac gidi han sau:

\/4n2+1+2n—1 ) \/n2+3—n—4 ) n2+\/31—n6
b) lim ¢) lim——
\/n2+4n+1+n \/n2+2+n \jn4+1+n2

Van®? +1+2n lim(zn\/;+1)(\/;+3) H lim\/nz—4n—\/4nz+1

a) lim

d) lim e)
\/n2+4n+1+n (n+1)(n+2) \/3n2+1+n
Bai 4: Tinh cac gidi han sau:
a) lim L+L+ . + ! b) lim L+L+ v + !
1.3 35 2n-1)2n+1) 1.3 24 n(n+2)
c¢) lim 1—L 1—L 1—L d) lim L+L+ .o !
22 32 n? 12 23 n(n+1)
2 n
o) lim1+22+...+n ) lim1+2+2 +.4+2

n°+3n 143432 4+..43"
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Bai 5: Tinh cac gidi han sau:

a) lim(\/n2+2n—n—1) b) lim(\/n2+n—\/n2+2) 0) lim(\3/2n—n3 +n—1)
d) lim(1+n2—\/n4+3n+1) e) lim(\/nz—n—n) f) lim !
\/n2 +2 —\/n2 +4

\j4n2+1—2n—1 nz+31—n6 \/n2—4n—\/4n2+1

g) lim h) lim ——— i) lim
\/n2+4n+1—n \/n4+1—n2 \/3n2+1—n

Bai 6: Tinh cac gidi han sau:

2 1V o 2 _
2) lim2cosn b) lim( )" sin(3n+n°) 0 lim2 2ncosn
n”+1 3n-1 3n+1
. 6 2 . 2.3 2 2
d) lim3s1n n+5cos“(n+1) &) lim3s1n (n”+2)+n ) lim 3n"-2n+2
n® +1 2-3n? n(3cosn+2)

Bai 7: Cho day sb (u,) voiu, = (1—i](1—i]...(1—i) ,vOiV n>2.

22 32 n?
a) Rut gon u,,. b) Tim lim u,.
1 1 1

Bai 8: a) Chung minh: (Vn e N").

n\/n+1+(n+1)\/;:ﬁ_\/n+1

1 1 1
+ +...+ .
W2+201 243+3\2 nn+1+n+1n

b) Rut gon: u, =

¢) Tim lim u,,.
u =1
Bai 9: Cho day sb (u,) dugc xac dinh boi:

u

1 .
e =ty + s (n21)

a) batv, = u,+; —u,. Tinhv; + v, + ... + v, theo n.
b) Tinh u, theo n.
¢) Tim lim u,,.

Bai 10: Cho day s0 (u,) dugc xac dinh bdi: {ul “
2un+2 = Uy + u,, (I’l 2 1)
. : 1
a) Chirng minh rang: u,+; = _Eu” +1,Vn>1.

2 )
b) bat v, = u, — g . Tinh v, theo n. Ttr @6 tim lim wu,,.
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II. Gi6i han caa ham s

Gidi han hiru han

Gidi han vo cue, gidi han 6 vo cuc

1. Gioi han dac biét:

lim x=x,, limc=c (c: hang s6)
X—)XO X—)XO
2. Dinh li:
a) Néu lim f(x)=L va hm gx)=M
X—)X

thi: lim [f(x)+ g(x)] =L+M

lim [f(x)-g(x)]=

lim [£(0.g(0] =
m &ZL (néu M # 0)
X=X, g(x) M

b) Néu f(x) >0va lim f(x)=L
X—)XO

thi L>0va lim y/f(x) =~/L

x—)x

¢) Néu lim f(x)=L thi hm |f(x)|—|L|

X—)X
3. Gioi han mgt bén:
lim f(x)=L <

X—)XO

< lim f(x)— lim f(x) L

X—)X X—)X

1. Gioi han dac biét:

lim x* =400, lim x*=17% néu k chdn
X—>+00 ’ X—>—00 —0o0 I’lé\,l/t k lé
. ) c
lim c=c; lim —=0
x—>to0 x—>to0 xk
o1 o1
lim —=-o0; lim — = +o0
x—0" X x—=0" X

1 1
lim = lim —| = 400

x—0" |x| x—0" [x

2. Dinh li:

Néu lim f(x)=L#0va hm g(x) =+ thi:
X—)X

Xo

+o0 néu L va lim g(x) cungddu

1. — ) x—)xo )
xgﬂo F(x)g(x) —oo néu L va lim g(x) trdiddu
x—)xo
0 néu lim g(x)=too
f) o \
lim ——==J+400 néu lim g(x)=0 va L.g(x)>0
X=X, g(x) X=X,
—o0 néu lim g(x)=0 va L.g(x)<0
x—)xo

* Khi tinh gioi han co mot trong cac dang vo dinh:

% 2, 00 — oo, (.oo thi phai tim cdach khwr dang vo
o0

dinh.

M@t s6 phwong phdp khir dang vé dinh:

0
1. Dang —
¢ gO

@ L= lim LY

X=X, Q(x)

voi P(x), Q(x) la cac da thirc va P(xy) = Q(xqy) =0

Phan tich cd tir va mau thanh nhan tw va rut gon.

_ 2
-8 1m()c 2)(x +2x+4):

x2+2x+4_£_3

VD: hm
x—2 x2 —4 x>2 (x-2)(x+2)
b L= lim L&)
X—=>X, Q(x)

m
x—2 x+2 4

voi P(xy) = Q(xy) = 0va P(x), Q(x) la cac biéu thirc chira cin cung bdc

St dung cdc hang dang thirc dé nhan lwong lién hop & tir va mau.

(2-Va-x)(2+a-x) . 1

= lim =

VD lim 224X _ im
x—0 X x—0
o L= lim L&)

X=X, Q(x)

x(2+\/ﬁ)

voi P(xg) = Q(xy) = 0 va P(x) la biédu thirc chira cin khong do”‘ng bdc

e

X202 444 —x

Gia su: P(x) = {u(x) —¥Yv(x) voi "\1/u(x0) = ’{/v(xo) =a.
Ta phan tich P(x) = (’"\/u(x) —a)+(a—\”/v(x)).
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VD: lim

x—0

Per1-1-x . (3x+1—1 - l—x]
= lim +
X X

x—0 X

| W,

= lim ! ! —l+l
X*OJu+n-+x+1+11+J1x 32

. P . ., . . R . L
2. ang * : L= lim QEX; voi P(x), Q(x) la cdc da thirc hodc cdc biéu thirc chira can.
Xx—>*Fo0 X

— Néu P(x) O(x) la cdc da thire thi chia cd tir va mdu cho luy thira cao nhdt ciia x.
— Néu P(x), O(x) c6 chira can thi c6 thé chia cd tir va mau cho luy thira cao nhdt ciia x hodc

nhan luong lién hop.

5 3
2% +5x -3 T2
VD: a) lim —————= lim — - X -9

x40 2 4L 6x+3 x—>+ool+§+i

X x
3
7>

2x—3 . X -1

B) lim —2—°>  — fjm —— X
X—>—00 2 X—>—00 f
x“+1-x _ 1+L2_1
X

3. Dang oo — oo: Gioi han nay thwong co chwra cin 3
Ta thuong swr dung phwong phap nhdn luong lién hop cua tir va mau.

- lim +x—+x)= lim (\/E—\/;)(\/E+\/7) 1
VD: x1_>+oo(\/1_ \/_)—x1_>+oo \/1+x +\/; x1_>+oom+\/_

4. Dang 0.co:
Ta ciing thuong sw dung cac phmfng phap nhu cac dang o trén.

VD: lim (x—2) = lim \/7:0'\/5:0

x—2° x —4  xo2 \/x+2 2

Bai 1: Tim céc gidi han sau:

l+x+x2+x° ) \]3x2+1—x

a) lim ——— b) lim — ¢) lim
x—0 1+ x x——1 x—1 PN X
2
. |x—1| . Ax?—x+1 . Ax?-2x+3
d) lim ——— e) lim ——— f) im ——
x—>—1 x4 +x-3 x—2 x—1 x—1 x+1
_x+8-3 A3 -4-3x-2 .
h) lim 1) lim x” sin—
x—)l X — 2 x—2 x+1 x—0
Bai 2: Tim céac gidi han sau:
X —x?—x+1 xt -1 X +1
a) lim — b) lim - c) lim
ol x—3x+2 =13 _2x? 41 -1 3 4]
3 2 5 6 m
- - -1
d) lim 2% +3x+9 &) lim 220X H4x f) lim 2
-3 4 _8x2 -9 =l (1-x)? x>l "
14+ 2)(1+2x)(1+3x) 1 “hotx"-n o xt -l
o) lim( +x)(1+2x)(1+3x) h) L XX et n i) lim x-16
x—0 X x—1 x—1 X—— 2x3+2x
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Bai 3: Tim céac gidi han sau:
Vdx+1- Ix - 2_
2) lim YAx 123 b) lim a1 . ¢) lim X 1
=2 2y x—1 34x+4—2 x—0 X
& tim Y22 e)hnlJ2x+2-J3x+1 5 lim al-1
x—>2«/x+ -3 x—1 x—1 x—0 [x +16 -4
) 1+x -1 . x+3-2x N \/x+9+\/x+16—7
g) lim —— h) lim —— 1) lim
=031 +x—1 >3 x2 43y x—0 X
Bai 4: Tim céc gidi han sau:
. Al+x—R1+x ) %/8x+11—\/x+7 21+ x —3/8—x
a) lim b) lim ¢) lim
x—0 x—2 x2 —3x+2 x—0
) \/1+4x—§/1+6x . %/8x+11—\/x+7 \/5 X —\/x +7
d) lim e) lim
x>0 x° 12 2x% —5x 42 x—>1 x* -1
. Al+4xA1+6x -1 A1+ 2x+d4x -1 Yx+1-A1-x
g) lim h) lim 1) lim
x—0 x—0 x—0
Bai 5: Tim céc gidi han sau:
2 2 2
a) lim x+1 b) lim 2x° —x+1 ¢) lim 2x°+1
X—>+00 2x2_x+1 x—>to0 x=2 X—>+00 x3_3x2+2
AP +2x 43 +4x+1 _ N4x? —2x+142-x . xvx +1
d) lim e) lim f) lim 3
X \/4x2+1+2—x X \/9x2—3x+2x rore x4 x+1
. (2x—1)\/x2—3 . Vx? +2x +3x . x?-5x+2
g) lim 5 h) lim 1) lim ——
X—>—00 x_Sx X—>+0 \/4x2+1_x+2 X—>—00 2|x|+1
Bai 6: Tim céac gidi han sau:
a) nnl(vx2+x—x) b)lnn(éx—1—«4x2—4x—3)
X—>400 X—>+00
c)1m1(¢ﬁ+1—¥f-4) d) lim @H+Jx+ —JZ]
X—>+00 X—>+w
e) lim (32x—1-32x+1) f tim (142 +2)
X—>+00 X—>—00
1 1 1
g) lim (—— 3 ] h) lim { + ]
ol (1=x 1-,° =2 x> =3x+2 x> -5x+6
Bai 7: Tim céc gidi han sau:
2
2) lim 21 b) lim *1 ¢) lim 372X
28 Xx=2 2" x=2 -3 x-3
2
-4 2— 2—
d) lim = @1m1—i—li— f) lim 2-x
x2 Xx=2 ¥2" 2x% ~5x 42 ¥>2 2x% —5x+2

Bai 8: Tim cac gidi han mot bén cua ham so tai diem dugc chi ra:

=1 x>0
JM+x—1

a) f(x) =
khi x <0

tai x=0

b) f(x) =

9_2

x-3
1—x

khi x <3
khi x >3

tai x=3
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Baiséll
x? —2x x> —3x+2
khi x>?2 2—khix>1
) f(x) = 84—x tai x=2 d) f(x)=4 x -1 tai x=1
Y 10 hix<2 - khi x<1
x—-2
Bai 9: Tim gia tri cua m dé cac ham sd sau ¢6 gid1 han tai diém dugc chi ra::
3 1 3
x” =1 . _ khi x >1
a) f(xX)=1,_1 khi x <1 tai x=1 b) f()=1x-1 ,3_q L tai x=1
mx+2 khi x>1 m’x* —3mx+3 khi x<1
x+m khi x<0
X+3m khi x<-1
¢) f(x)=1 y2 taix=0 d) f(x)= tai x=-1
) S0 =927 4100543 +1003x+3 khi x>0 A {x2+x+m+3 khi x>—1"
X+
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III. Ham s& lién tuc

1. Ham sé lién tuc tgi mt diem:  y = f(x) lién tuc tai xo < lim f(x)= f(x,)

X—)XO
e Dé xét tinh lién tuc ciia ham sé y = f(x) tai diém xy ta thwc hién cdc bude:
Bl1: Tinh f(xy).
B2: Tinh lim f(x) (trong nhiéu truong hop ta can tinh lim f(x), lim f(x))
X=X, x—x," x—=x,"
B3: So sanh lim f(x) vdi f{xy) va rit ra két ludn.
X—)XO

2. Ham sé lién tuc trén mét khodng: y = f(x) lién tuc tai moi diém thuéc khodng do.
3. Ham 506 lién tuc trén mot doan [a; b]: y = f(x) lién tuc trén (a; b) va

lim f(x)=f(a), 1inlf)1_ Jx)=f(b)

xX—a
4. o Ham s6 da thire lién tuc trén R.
e Ham s6 phan thire, cdc ham sé heong gidc lién tuc trén timg khodng xdc dinh ciia chiing.

5. Gid siry = f(x), y = g(x) lién tuc tai diém xy. Khi do:

e Cdc ham sé y = f(x) + g(x), y = f{(x) — g(x), y = f{x).g(x) lién tuc tai x,.
J(x)
8(x)
6. Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi ton tai it nhdt mét sé ¢ € (a; b): flc) = 0.
N6i cdach khdc: Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi phuong trinh f(x) = 0 ¢6 it

nhdt mét nghiém ce (a; b).
MG réng: Néu y = f(x) lién tuc trén [a; b]. Pdt m = fnibrif(x) , M= r[na}y)]( f(x). Khi do voi moi T

a; a;

e Ham s6 y = lién tuc tai xg néu g(xy) # 0.

€ (m; M) luén ton tai it nhat mét sé ¢ € (a; b): fic) =T.

Bai 1: Xét tinh lién tuc ciia ham so tai diém duoc chi ra:

x+3 VX372 i e
)/ khix=1 . _ _1 .
a) f(x)=19 x_1 tai x=-1 b) f(x)= X tai x=1
-1 khi x =1 - khi x=1
2—Tx+5¢ - x=5 khi
i ————— khi x>5
c) flx)= 23042 khix#2 tai x=2 d) f(x)=92x-1-3 tai x=5
1 khi x=2 (x=5)2+3 khix<5
x—1
l-cosx khix<0 —_— khi x <1
¢ = tai x=0 X)= tai x =1
) f(x) {/_x+1 i x>0 HF ) f(x) 2 x_1 | .
-2x khi x>1

Bai 2: Tim m, n dé€ ham so lién tuc tai di€ém duoc chi ra:

2 )
a x)=J% khi x <1 tai x =1
) 1) {2mx—3 khi x>1 '
3 2
X —x"4+2x-2 .
b) f(x)= 1 khi x#1 tai x=1
3x+m khi x=1
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m khi x=0
x> —x—6
c) f(x)=y———— khi x#0,x#3 tai x=0vax=3
x(x=3)
n khi x =3
2
xXT—x-2 )
d f()=9" 9 khi x #2 fai x=2
m khi x =2
Bai 3: Xét tinh lién tuc cia cic ham s sau trén tap xac dinh cua chung:
3
e 2 -3x+4  khix<2
a) f(x)=1 x +1 b) f(x)=15 khi x =2
4 Khi x = —1 2x+1 khi x >2
3
x* -4 : X2 khi x #~2
¢) f()=1{777 khi x # =2 d) f0=11_%
—4 khi x =-2 2\/5 khi x = \/5
Bai 4: Tim céc gia tri cua m dé cac ham sb sau lién tuc trén tap xac dinh cua ching:
—x=2 ' X% +x khi x <1
a) f)={" 5 Khx#2 b) f(x)=12 khi x =1
m khi x=2 mx +1 khi x >1
3.2
X =x"4+2x-2 . 2 ;
) fW=1" o Khixzl g f<x>={§ AN
3x+m khi x =1 e tX=
Bai 5: Ching minh rang cac phuong trinh sau ¢6 3 nghiém phén biét:
a) x> =3x+1=0 b) X +6x2+9x+1=0 ¢) 2x+631-x =3
Bai 6: Chuing minh rang cac phuong trinh sau ludn c6 nghiém:
a) X =3x+3=0 b) X +x-1=0 C) PP =33+ x+1=0

Bai 7: Ching minh ring phuong trinh: x° —5x> +4x—1=0 ¢6 5 nghiém trén (-2; 2).
Bai 8: Chung minh rang cac phuong trinh sau ludn c6 nghiém véi moi gia tri ciia tham sb:

a) m(x—1(x=2)+2x-3=0 b) x* +mx? —2mx-2=0

¢) a(x—b)(x—c)+b(x—c)x—a)+c(x—a)x—b)=0 d) A=m>)(x+1)* +x>—x=3=0

e) cosx+mcos2x=0 f) m(2cosx—\/5):2sin5x+1
Bai 9: Chung minh cac phuong trinh sau luén c6 nghiém:

a) ax’ +bx+c=0 v6i 2a+3b+6c=0 b) ax’ +bx+c=0 voi a+2b+5¢=0

C) X +ax® +bx+c=0
. 1
Bai 10: Chung minh rang phuong trinh: ax*> +bx+c=0 ludn co nghiém x € [O;g} voia =0

va2a+6b+ 19¢c=0.
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Bai 1. Tim cac gidi han sau:

1+2+3+...+n

a) lim 3
3n
2
d) lim—2 +2n
2n” +3n-1

2) lim(\/n2—3n—\/n2+1)

2cos n2

i) lim

n +1

Bai 2. Tim cac gidi han sau:

2
2) lim x°—=5x+6

3 x2 _8x+15

2xt =553 +3x2 41

d) lim
=135 —8x® +6x% -1
3 —_— —_—
o) lim =21

a1y —2x -1

Bai 3. Tim cac gidi han sau:

. x—2
a) lim———
23— x+7

V1+2x -3

d) lim ————
) xl—l;r}l \/;_2

. RAx+T=5-x
g) lim )

x—1 X

3
k) lim\/;_l
x—)O\/;_l

Bai 4. Tim cac gidi han sau:

) 2x% —3x42
a) lim ———
x—-2" x+2
2
d) lim 2x°=5x+2
-2 (x=2)°

o) lim 8+2x -2

x>=2" Nx+2

Bai 5. Tim cac gidi han sau:
2x3 =3x% +4x-1

a) lim

x>0 x* 53 10x% x 43

d) lim
x>t \ 3yt 4 2x% -7

2x4—x3+x

BAI TAP ON CHUONG IV

g) lim (\3/113 +3n? —n)

k) lim

2
b) lim —oX 1
x_% 6x> —5x+1

. X0 =3x+2
e) lim—————
ol —4x+3
2
h) lim ——
X>22x" +5x42

2
b) lim Ni+x” -1

x—0 X

&) lim N2x+7-3

=l \Jx+3-2

J+x-31-x
x

h) lim
x—0
3 2
) limM
X—)O x2
b) lim 2"‘_1'
1" x" +3x -4
&) lim 3x+4
x—3" 3—x
2
hy lim 2x°+5x-3

-3 (x=3)

2
b) lim 2L

X—>+00 2)52 +x+1

e) lim (\/x2+1+x>

X—>—00

n
\/3n2+1 —\/n2—1

n*+2n

3n’ +n+1

. (=D)"+43"

f) lim
(_l)l’l+1 _ 2.371

h) lim(1+n2—\/n4+n)

) 1im(\/n2—2—%/n3+2n)

¢) lim

X0 —4x?+4x-3
c¢) lim
x—3 x? —3x

¥ —2x% —4x+8

f) lim *— =
-2 xT_8x“+16
2
iy gim S 1
x—)—l xz_l

¢) lim Nx+8-3

x> x? 425 -3
2

f) lim x“+1-1
204 _\x?+16
3 —_—
i) lim Y4X =2
x—=2 x=2
. Nx+2+x+7-5
m) lim
x—2 x—2
3_
¢) lim 3x" —4x+1

x—>—1" x+1

x+x

)

R

. X
lim (x-2

i lim (x )x2_4

2 3
¢) lim 2x=-3)"4x+7)

x>+ (33 +1)(10x% +9)

) lim (x+vx2—x+1)

X—>—00
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Pai sé 11 Tran St Ting

2
g lim YT by tim (Vi—x+3+x) 0 lim % Vi-x
X—> —X

x—> -0 S5+2x X—>—00 —0
k) lim Vo +2x+3x D tim (Va2 x—v22? 1) m) tim (Va2 +2x +x)
o \/4x2+1—x+2 o o

Bai 6. Xét tinh lién tuc cua ham sd:

- x khi x <3 1-veosx L0
2) f(x)=1x? —2x—3 tenR  b) f(x)={ sin’x taix =0
—— khi x>3 )
2x—6 — khi x=0
4
12-6x . 2 .
O f0=17 70 2 wenR  d) f(x):{x I khi x <0 aix=0
5 khi x =2 1-vx khi x>0
Bai 7. Tim a dé ham s lién tuc trén R:
2a* +1 khi x <1 2 -1 '
a) f(x)= B TR o | b) f(x)= 1 khi x #1
x—1 tx> x+a khi x =1
2 2
x“+x-2 . x°—4x+3 ,
C) f(.X): T khi x #-2 d) f(.X): T khi x<1
a khi x=-2 ax+2 khi x>1

Bai 8. Chung minh rang phuong trinh:
a) x> +6x> +9x+1=0 c6 3 nghiém phan biét.
b) m(x-1)>(x*> —4)+x* =3 =0 ludn c6 it nhat 2 nghiém véi moi gid tri cua m.
C) (m*> +Dx* = x> ~1=0 ludn c6 it nhét 2 nghiém nam trong khoang (—1;\/5) v&1 moi m.
d) x> +mx*—1=0 luénco 1 nghiém duong.
e) x*=3x2 +5x-6=0 ¢o nghiém trong khoang (1; 2).
b c

+——+—=0. Ching minh rang
m+2 m+l m

Bai9. Chom >0vaa b, ¢ la3 sb thuc thoa man:

phuong trinh: f(x)= ax® + bx+c¢=0 c0 it nhat mot nghiém thudc khoang (0; 1).

1 2
HD: Xét 2 truomg hop ¢ = 0; ¢ #0. Véi ¢ #0 thi f(O).f(nH ]:—C—<o
m+2 m(m+2)
Bai 10.
a)
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