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ST&BS: Th.S Dang Viét Dong THPT Nho Quan A Nguyén Ham -Tich Phan va Ung Dung

NGUYEN HAM
A - KIEN THUC CHUNG
1- Nguyén ham
Dinh nghia: Cho ham so f (x) xac dinh trén K (K Ia khodng, doan hay nira khoang). Ham s6 F (x) duoc
goi 1a nguyén ham cia ham sé f (x) trén K néu F'(x)= f (x) véimoi xe K .
Dinh li:
+ Néu F(x) 1a mot nguyén ham cua ham s f (x) trén K thi véi mdi hang so6 C , ham s6
G(x)=F(x)+C ciing 1a mot nguyén ham cua f (x) trén K.
+Néu F(x) a mot nguyén ham ciia ham so f (x) trén K thi moi nguyén ham ciia f (x) trén K déu cé
dang F(x)+C, véi C la mot hang sé.
Do d6 F(x)+C,CeR laho tit ca cic nguydn ham cia f (x) trén K. Ky hi¢u J. f(x)dx=F(x)+C.
+ Tinh chit ciia nguyén ham
Tinh chd I: (jf(x)dx) = f(x) va [ f'(x)dx=f(x)+C
Tinh char 2: J.kf X)dx = kJ. dX voi k la hang s6 khac 0.
Tinh chat 3: J.[f )£9(x)]dx = J. dx+J.g

2 - Sy ton tai ciia nguyén ham
Dinh li: Moi ham s f (x) lién tuc trén K déu c6 nguyén ham trén K.
3 - Bang nguyén ham ciia mét s6 ham sé so' cap

o L Nguyén ham ciia ham s6 hep
Nguyén ham ctia ham so so cap (u .y (X))

J'dx=x+C J.du=u+C

a 1 a+l _ a 1 a+l _
jx dx_a+1x +C(a=-1) ju du—a+1u +C(a=-1)
j—dx:ln|x|+C j—du:ln|u|+C

X u

1 1 1 1
j?dX:—;+C ju—zdu:—a+C
J.exdx=eX+C J.e“du=e“+C
jadx—lna (a>0,a#1) jadu—lna (a>0,a#1)
J'sinxdx=—cosx+C Isinudu=—cosu+C
J.cosxdx=sinx+C Icosudu=sinu+C
[——dx=tanx+C | du=tanu+C

COS” X cos? u
j_z dx =—cotx+C j du=-cotu+C

sin® x sin‘u

4 — Bang nguyén ham mé rong
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_1 o _ekx
J'd(ax+b)—g(ax+b)+c Ie dx_T+C
o« o 1fax+b)™" 1.
j(ax+b) dx = = +c,a#-1 jcos(ax+b)dx_—sm(ax+b)+C
a\ a+1 a
J' dx :llnlax+b|+c +c jsin(ax+b)dx:_—1cos(ax+b)+c
ax+b a a
ax+b 1 ax+b 1
je dx:ge +C jtg(ax+b)dx:—glnlcos(ax+b)|+c
pX+q _ 1 px+q 1 .
J'a dx=——a”™+¢c J'cotg(ax+b)dx:—In|5|n(ax+b)|+c
plna a
dx 1 X dx -1
— Zarctg 2+ ————=——cotg(ax+b)+c
ja2+x2 a ga+ J.sinz(ax+b) a J
dx a+x dx 1
——In ——— _="tg(ax+b)+c
J-az—xz 2a |a—x J.cosz(ax+b) ag
B - BAI TAP

DANG 1: CAC CAU HOI LI THUYET
Cau 1: Trong cac khiang dinh dudi day, c6 bao nhiéu khang dinh dung?
(1): Moi ham s6 lién tuc trén [a;b] déu c6 dao ham trén [a;b].
(2): Moi ham s6 lién tuc trén [a;b] déu c6 nguyén ham trén [a;b].
(3): Moi ham s6 dao ham trén [a;b] déu c6 nguyén ham trén [a;b].
(4): Moi ham sb lién tuc trén [a;b] déu c6 gid tri I6n nhat va gi tri nho nhat trén [a;b].
A 2. B. 3. C. 1 D. 4.
Cau2: Chohaihamso f(x), g(x) lién tuc trén R. Trong cac ménh dé sau, ménh dé nao sai?

A. J.[ (x)+g(x)Jdx= J. dx+J.g
B. J.[f(x) ]dx J. dxjg
C. J.[ (x)—g(x)]dx= J. X)dx — J.g

D. [Kf (x)dx=k[ f (x k;tOkeR)

Cau3: Cho f(x), g(x) lacac ham s0 x4c dinh va lién tuc trén R . Trong cac ménh dé sau, ménh dé nao
sai?
A.J.f(x —J. dxjg B. J.2f xdx—2J.f(x)dx

C. I[f( )+9(x ]dx—J. dx+J.g x)dx. D. J.[f (x x)]dx=J.f(x)dx—J.g(x)dx
Cau 4: Khang dinh ndo sau day 1a khang dinh sa1‘7
A. [Kf (x)ax=k[ f(x)dx véi k eR.

B. I[ X)+9(x)]dx = j dx+jg x)dx véi f(x); g(x) lién tuc trén R.
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Cau 5:

Cau 6:

Cau 7:

Céau 8:

Cau 9:

1 )
C. J‘x”‘dx:—x”‘+1 Vol a #-1.
o+l

D. ([ £ (x)x) =  (x).

Cho hai hamsé f (x), g(x) la ham sé lién tuc, ¢6 F(x), G(x) lan luot 1a nguy&n ham cia
f(x), g(x). Xét chc ménh dé sau:

(1). F(x)+G(x) la mot nguyén ham cua f (x)+g(x).

(11). k.F(x) 1a mot nguyén ham cua k.f (x) véi ke R.

(). F( ):G(x) la mot nguyén ham cua f(x).g(x).

Cé4c ménh dé dung 1a

A (1) va (). B.Ci 3 ménhdé.  C.(I)va(ll). D. (1) va (I1).

Ménh dé nao sau day sai?

A. J.[ ]dx J X)dx— Jg x)dx, véimoi hamsé f(x), g(X) lién tuc trén R.

B. J.f dX- f +C v6i moi ham s f(x) c6 dao hamtrén R .

C. J.[f )+9(x ]dx J dx+Jg x)dx, véi moi ham so f (x), g(x)lién tuc trén R.

D. J.kf X)dx = kJ. x)dx véi moi hing s6 k va véi moi hamso f () lién tuc trén R.

Cho hamsé f (x) xac dinh trén K va F(x) la mot nguyén ham cia f (x) trén K. Khang dinh
nao dudi day dung?

A. f'(x)=F(x), VxeK. B. F'(x)=f(x), ¥xeK.

C. F(x)=f(x), vxeK. D. F'(x)=f'(x), VxeK.

Cho hamsé f (x) xac dinh trén K. Khdng dinh nao sau day sai?

A. Néu ham s6 F(x) la mot nguyén ham ciia f (x) trén K thi véi mdi hang s6 C, ham sb
G(x)=F(x)+C ciing 1a mot nguyén ham cua f (x) trén K.

B. Néu f(x) liéntuc trén K thi nd c6 nguyén ham trén K.

C.Hamsé F(x) dugc goi 1a mot nguyén ham cta f (x) trén K néu F'(x) = f (x) véimoi x e K

D. Néu hamsé F(x) la mot nguyén hamcia f (x) trén K thihamso F (—x) la mot nguyén ham
cua f(x) trén K.

Trong cac ménh dé sau, ménh dé nio sai:

A. Néu ham F(x) la mot nguyén ham cua ham f (x)thi F(x)+1 ciing 1a mot nguyén ham cua

ham f (x).

hang sb.
Cau 10:

B. Moi ham lién tyc trén K déu c6 nguyén ham trén K .
C. Néuham F(x) la mot nguyén ham ciia ham f (x)thi J. f (x)dx =F(x)+C, véi C la mot hang

D. Néu F(x), G(x) la hai nguyén ham ciia ham s6 f (x) thi F(x)+G(x)=C, véi C la mét

Cho f,g lacéc ham sb lién tuc trén K. Trong c4c ménh dé sau, tim ménh dé sai.

A. J.[f (x).g(x)]dx=‘|.f(x)dx—Jf(x)dxjg(x)dx
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B. If x)dx— ( )
C. J.[f j dx+jg x)dx.

D. kJ. X)dx = kJ. x)dx, (k: hang s6).
DANG 2: NGUYEN HAM CO BAN

Cau 11: Khang dinh nao sau day sai?

A. Idx=x+C. B. J.sinxdx=—cosx+C.
C. Inxdx:£+C. D. J'ldx:ln|x|+C.
X ‘ X
Cau 12: Trong cac ménh dé sau, ménh dé nao sai?
A. J.eXdX=eX+C. B.I ——dx=—tanx+C.
SIN~X
C. Icosxdx=sinx+C. D. J.sinxdx=—cosx+C.
Cau 13: Trong cac khang dinh sau, khang dinh nao sai?
A fodx=C (C Ia hing s). " [e'dx=e*~C (C Ia hing s6).
n+l
J.dX:X+2C (C 1a hing sd). IX”dx: X _.c (C lahing sb, neZ).
D. n+1
Cau 14: BletJ. u)du=F(u)+C. Ménh dé nao duéi day ding?
A [f 2x—1)dx=2F(2x—1)+C. B. [ f(2x-1)dx=2F (x)-1+C.
C.If(Zx—l)dx:%F(Zx—1)+C. D. J. dx F(2x 1)+C.
Cau 15: Khang dinh ndo sau ddy 1a sai?
A. J.axdx=axlna+C (a>0;a=1). B. Icosxdx=sinx+C.
C. I—dx x+C D. izdx:—£+C.
X X
Cau 16: Trong c4c ménh dé sau, ménh dé nio sai:
A. Iexdx=eX+C. B. Isinxdx=cosx+C.
C. J.2xdx=x2+C. D. J'idx:ln|x|+C.
X
Céau 17: Cong thirc nguyén ham nao sau day sai?
A. szdx= 2 +C. B. Isinxdx=—cosx+C.
In2
C. J'%:In|x|+c. D. i:tanx+C .
X COS X

Cau 18: Tim ho nguyén ham ctia hamso f (x)=2x+1
A. j dx_ 2x+1) +C . B. J'f(x)dx:%(2x+1)2+c :
C. [ f(x)dx=2(2x+1)" +C. D. [ f(x)dx=(2x+1)+C .

Cau 19: Ho nguyén ham cia hamsé f(x)=2x*+x+1 1A
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Céau 20:

Céau 21:

Céau 22:

2 2
A. Zi+X—+x B. Zi+X—+x+C
3 2 3 2

3
C.%+X2+X+C. D. 4x+1.

Nguyén ham cia ham s f (x)=10x*-3x+2 trén R I3

AJ' x)dx = 2x° —§x2+2x.
2

C. j x)dx = 2x° —§x2+2x+C.
2

1
H hé ha f
0 céc nguyén ham cua ham so f (x)= il
A, NEx+1)+C B. In(~3x-1)+C.

Tim nguyén ham ciia ham s j(xz +§—2\/§]dx
X

3
A %-3|n|x|—%\/F+c.

3

C. %+3In x—%\/F.

B. If(x)dx=10x5—3x2+2x+C.
D. jf(x)dx:2x5—%x2+2C.

In|3x+]4+C D.%In|3x+]4+C.

3
B. X?+3In|x|—%\/F+C .

3

D. X?+3In|x|+%\/F+C.

Cau 23: Nguyén ham ctia ham s f (x)=2" la
2x+1 22x
A [2"dx="—+C. B. [2"dx==—+C.
In2 In2
4X 22X—1
C. [27dx=——+C. D. [2%dx="—+C.
In2 In2
Cau 24: 1dx?
Xt [ x]+Inx2 +C. B. [**Lax In|x|——+C
2
~—+x+C
c. [*lax--2, D. [*Lax=mx-Lc.
X X X
—+C
3
Cau 25: Ho nguyén ham caia ham s f(x)=v2x+1 la
1 (2x+1)° 2{(2x+1)° 3,/(2x+1)’
A. +C. B.XY—+C cC.—+C. D.———+C
V2x+1 3 3 4
Cau 26: Ho cac nguyén ham ctia ham s6 f (X) =7 I3
1
A. x)dx=e**+C. B. | f(x)dx==e""+C.
Ji(x J T (xax=7
1
C. X)dx =2e***+C. D. [ f(x)dx==e*"*+C.
Ji(x J 1 (max=2
Cau 27: Tim nguyén ham ciia ham s f (x)= ! =
sin? =
2
A J o =—2tan5+C B J o =2tan§+C
) =12
sin® = sin
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C.J dXX =—1cot5+C. D._[ dXX =—2cot§+C.
sin® ~ 2 sin? = G
. 1
Cau 28: Tim nguyén ham cua ham s f (x)=—.
guy (x) T
A [ f(x)dx=v2x+C. B. [ f(x)dx=2v2x+C.
C. j dx———+C D. If(x)dx Inv2x +C .
. | f = —
Cauzo: Néu ) T ()OC=sinx=e’C
A. f(x)=-cosx—e". B. f(x)=cosx+e".
C. f(x)=cosx—e". D. f(x)=-cosx—e*+C.
Cau 30: Tim khang dinh sai?
e+l X+1
A [xdx=——+2C. B. [2'dx=>—+C.
e+1 x+1
C. J‘e*XdX=C—e*X D. Itan xdx =tanx—x—-C.
A X A s , 2x* +3
Cau 31: Cho F(x) la nguyén ham cua f(x)= . Khi do
X2
A Fo-2.3 ¢ B. F(x)= 2 _3In[x+C.
3 X 3
3
C. F) =25 43Infx|+cC. . F=2X_3,¢c.
3 , 3 X
Cau 32: Ho nguyén ham ciia ham s6 f (x)=2x+sin2x la
A. X*+2cos2x+C.  B. x2+%c052x+C. C. x¥*-2c0s2x+C. D. xz—%c052x+C
Cau 33: Ho cac nguyén ham ciia ham sé f(x):% la
sin® (x+2)
A. cot(x+2)+C. B. —cot(x+2)+C.
2c0s(x+2) cos(x+2)
__—+ . . __—
sin®(x+2) sin®(x+2)
Cau 34: Ho nguyén ham cia ham s f (x)=e*+cosx+2018 la
A. F(x)=e"+sinx+2018x+C. B. F(x)=e"-sinx+2018x+C.
C. F(x)=¢"+sinx+2018x.. D. F(x)=e"+sinx+2018+C.
Cau 35: Tim nguyén ham cua hamsé f (x)=e* —e™*
AI x)dx =—e*+e™ +C. B J‘f(x)dx=ex—e*X+C.
C. I x)dx =—e*—e+C. D. J‘f(x)dx=ex+e*X+C.
Cau 36: Ho nguyén ham cia hamsé f(x)=—-e™ la
A e +C. B.e*+C. C.e"+C. D. e +C.
Cau 37: Tim nguyén ham cia ham sé y =sin(x—1)?
A. Isin(x—l)dx=—cos(x—1)+C. B. Isin(x—l)dx=cos(x—1)+C.
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Céau 38:

Céau 39:

Céau 40:

Cau 41:

Céau 42:

Céau 43:

Céau 44:

Cau 45:

Cau 46:

C. Isin(x—l)dx =(x—-1)cos(x-1)+C. D. Isin(x—l)dx =(1-x)cos(x-1)+C.
Hamsé F(x)=e* 1a nguyén ham caa ham s nao sau day?

A f(x)=2xe". B. f(X)=2X2eXz +C.

C. f(x)zxexz. D. f(x)zxzexz+3.

Tim ho nguyén ham F(x) cia ham s6 f(x) = cos(2x +3).

A. F(x)=-sin(2x+3)+C. B. F(x):%sin(2x+3)+C.

C. F(x):—%sin(2x+3)+C. D. F(x)=sin(2x+3)+C .

Cap ham sb nao sau day co tinh chat: c6 mot ham sb 1a nguyén ham cua ham sé con lai?
A. f(x)=sin2x, g(x)=cos®x. B. f(x)=¢e", g(x)=e™.

C. f(x)=sin2x, g(x)=sin’x. D. f(x)=tan’x, g(x)= cosz 7
Ho nguyén ham cua ham sé f(x) =tanx la

A. —In|cos x| +C. B. _coiz - +C. C. In|cosx|+C. D. coiz - +C.

Cho F(x) la mot nguyén ham cua ham so f (x)= va F (%] = 3. Khang dinh nao dudi

cos’ X
day dung?
A. F(x)=2tanx+3. B. F(x)=tanx-4.
C. F(x)=2tanx-5. D. F(x)=-2cotx-5.
Tim khang dinh sai?
e+l
A. [tan® xdx =tanx—x—C . B. [x°dx= X_i2c.
e+l
X+1
C. szdx= °_.c. D. J.e*XdX=C—e*X
X+1
Ho nguyén ham caa ham sé f () :ﬁ la
A Infil-x|+C. B. %In(l—x)2+C. C. —Inj2-2x+C. D. —%In|l—x|+C.
Cho hamsé f(x) thoa f’(x)=3 62X va f(2)=0.Ménh dé nao dudi day diing?
A. f(x)=3In]3-2x. B. f(x)=2In[3-2x].
C. f(x)=-3In[3-2x]. D. f(x)=-2In|3-2x|.

Biét F(x) 1a mot nguyén ham cua ham f (x) =sin2x va F(%)zl. Tinh F(%)

SO IO O

Cau 47: Trong c4c khiang dinh sau, khang dinh nao sai?
A. jidx:ln|3x|+c. B. Iexdx=eX+C.
3%
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X

C. Jsinxdx=—cosx+C. D. szdx= 2 +C.
In2
Cau 48: Tim nguyén ham I=I\/2x+1dx
2 3 1
A. I =—,/(2x+1) +C. B.l=————MM+C.
3 ( ) 2\2x+1
1 3 1
C. I ==,/(2x+1) +C. D.l=——+C.
3 ( ) 42X +1
Cau 49: Tima+b biétj Ix+11 x:aln|x+2|+bln|x+]4+C?
X+ (x+2)
A a+b=7. B.a+b=5. C.a+b=11. D. a+b=-5.
Cau 50: Timhamsé F(x) biét F'(x)=sin2x va F(%)zl.
1 1
A. F(x):—5c032x+§. B. F(x)=-cos2x.
C. F(x):%c052x+%. D. F(x)=2x-m+1.
Cau 51: Tim nguyén ham cua ham s6 f (x)=3x> +§.
3 2
A | f(x)dx=x+x*+C. B. [f(x)dx=2+2+C.
I (x) I (x)dx Tt Tt
s X s X
C.| f(x)dx=x"+—+C. D. | f(x)dx=x"+—+C.
Jf(ax=x+% [t (ax=x+%
2_
Cau 52: Tinh nguyén ham | :IZX—7;(+5dx.
X_
A. I:2x2—x—2ln|x—3|+C. B. | :xz—x+2ln|x—3|+C.
C. 1 :xz—x—ZIn|x—3|+C. D. I:2x2—x+2ln|x—3|+C.

Cau 53: Hamsé F(x):2—17e3“1(9x2 —24x+17)+C la nguyén ham cia ham s ndo dudi day?
A. f(x)=(x2—2x—1)e3x’l. B. f(x)=(x2+2x—1)e3”l.
C. f(x)=(x2—2x—1)e3”l. D. f(x)=(x2—2x+1)e3”l.

Cau 54: Tinh | =I83in3xcosxdx=acos4x+bc052x+C.Khi d6 a—b bang:

A. 3. B. -1. C.1. D. 2.
Cau 55: ) Ho nguyén ham ctia ham sé f (x)=x+sinx la
2 2
A.1+cosx+C. B.X?—cosx+C. C.X?+cosx+C. D. x> —cosx+C.

Cau 56: Cho hamsé y= f (x) thoa méin dong thoi céc diéu kién f'(x)=x+sinx va f(0)=1. Tim
f(x)

2 2

A. f(x):x—+cosx+£. B. f(x):x——cosx+2.
2 2 2
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X2 x?
C. f(x):?—cosx—Z. D. f(x):?+cosx.
Cau 57: Tim nguyén ham F(x) cia hamsd f (x)= 2 thoaman F(5)=7.
\V2x-1
A F(X)=24/2x-1+1. B. F(x)=+v2x-1+4.
C. F(x)=+2x-1-10. D. F(x)=2v2x-1.
Cau 58: Cho f(x)= %, F(x) la mot nguyén ham cua f (x). Tim phuong an sai?
X+
2 2
A.F(x):x —x+1 B.F(x):w.
X+1 X+1
x> —x-1 x?
C. F(x)= T D.F(x):x+1.
Cau 59: Cho F(x) la mot nguyén ham ctia ham sé f (x)=3%In9 thoa F(0)=2. Tinh F(1).
A F(1)=6. B. F(1)=3. C. F(1)=12(In3)°.  D. F(1)=4.

Cau 60: Tim nguyén ham F(x) ciia hamsé f () =X—_21, biét d6 thi ham so y = F(x) di qua diém
X

(L-2),
1 1
A. F(x):ln|x|—;—1. B. F(x):ln|x|+;—3.
C. F(x):ln|x|+£+3. D. F(x):ln|x|—1+1.
X X
Cau 61: Tim nguyén ham cua ham s f (x)=x—sin6x.
x* sin6x x*  c0s6Xx
A |f dx =— C. B. | f dx =—-— .
I (x)dx + + I (x)dx 5 5 +C
x*  sin6x x®  COS6X
C. [ f(x)dx==-- +C. D. [ f(x)dx="-+ +C.
2 6 2 6
Cau 62: Biét F(x) la mot nguyén ham cia ham s6 f(x)z% va F(1)=3.Tinh F(4).
X
A. F(4)=5. B. F(4)=3. C. F(4)=3+In2. D. F(4)=4.
Cau 63: Tim nguyén ham cua ham sé f (x)=x° +sin 2x.
A. I dx——+1c032x+C B. I :——1c032x+C
2 2
C. I :——c052x+C D. J. dx 3x* +2c0s2x+C.
Cau 64: Ham s§ F(x) ndo sau day 1a I nguyén ham cita ham sb f (x) = <> 2
X" +4x+3
A. 2In|x+3-In|x+1+C. B. In X+1+2.
X+3
C. In[(x+1)(x+3)]. D. In(2|x+1]).

Cau 65: Timgiatri m déhamsd F(x)=m’x’+(3m+2)x* —4x+3 la mot nguyén ham cua ham sé
f (x)=3x*+10x—4.
A m=+1. B.m=-1. C. m=1. D.m=2.
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Cau 66: Chohamsé F(x)=ax’+(a+b)x*+(2a—b+c)x+1 la mot nguyén ham ctia ham s6
f (x)=3x*+6x+2. Tong a+b Ia

A. 4. B.2. ' C. 5. D. 3.
DANG 3: NGUYEN HAM CO BAN TIM HANG SO C

Cau 67: Nguyén ham F(x) ctiahamso f (x)=2x*+x°—4 thoa min diéu kién F(0)=0 la

2 X4 4
A. 2x3 —4x°. B. =x®+——4x. C. x*—x*+2x. D. Ex3+x——4x.
3 4 3 4
Cau 68: Tim ham s6 F(x) biét rang F’(x)=4x>-3x*+2 va F(-1)=3
A F(x)=x'-x*-2x-3 B. F(x)=x"-x*+2x+3
C. F(x)=x"-x>-2x+3 D. F(x)=x"+x*+2x+3

Cau 69: Cho F(x) la mot nguyén ham cia ham s f (x) =e* +2x thoa min F(O):%. Tim F(x).
X 2 1 X 2 1
A F(x)=e"+x +E' B. F(x)=2e"+x —5
X 2 3 X 2 5
C. F(x)=e"+x +E' D. F(x)=e"+x +E'

Cau 70: Tim nguyén ham cia ham s f (x)théa méin diéu kién: f (x)=2x—-3cosx, F (%) =3

2 2

A. F(x) =x*-3sin x+6+% B. F(x) = x*—3sin x—%
71'2 71'2
C. F(x)=x2—35inx+T D. F(x)=x2—35inx+6—T

Cau 71: Biét F(x) 1a mot nguyén ham cua ham s f (x) = 5 ! 1 va F(2):3+%In 3. Tinh F(3).

A F(3)=2In5+3. B, F(3):%In5+5. C. F(3):%In5+3. D.
F(3) =-2In5+5.
Cau 72: Tim nguyén ham F(%) ia ham sé f(x):(2x+1)(x—2)1 it F(1)=2
A. F(x):gx3—§x2—2x+§. B. F(x):gx3—§x2—2x.
3 2 6 3 2
2 1., 2.3 3.,
C. F(x)=(x*+x)| =% —2x|+2. D. F(X)=2x° -2 x2-2x+2.
2 3 2
Cau 73: Mot nguyén ham F(x) ciia ham s& f (x) = 2x+——— théa mén F(%):—llé:
sin? x
71'2 71'2
A. F(X) =—cotx+ x* —— B. F(X) = cotx — x* + —
16 16
2
C. F(x) =—cotx +x* D. F(X) = —cotx + X2_71Z_6

Cau 74: Tim nguyén ham F(x) ciia hamsé f(x) =sin2x, biét F (%] =0.

A. F(x):_—1c052x. B. F(x):_—1c052x+£.
2 2 6
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Cau 75:

Céau 76:

Cau 77:

Cau 78:

Céau 79:

DANG

C. F(x):coszx—%. D. F(x):sinzx—%.
Biét F(x) la mot nguyén ham cia ham s f (x)=sinx va do thi cia ham s6 y=F(x) di qua

diém M (0;1). Tinh F(%)

gl el e arfge

Tim nguyén ham F(x) cia hamsé f (x)= \/% théa mdn F (5)=7
F(x)=2vV2x-1+4. B. F(x)=2v2x-1+1.
F(x)=22x-1-10. D. F(x)=2v2x-1.

, 2 s
Cho F (x) 1 nguyén ham cia ham sb f (X) = ffs(x;ﬁo) Biét ring F (1)=1 thi F (x) I
A F(X)=2X—§+2. B. F(x)=2|n|x|—§+4,
X X
3 3
C. F(x)=2x+=-4. D. F(x)=2In|x|+=+2.
X X

Néu F(x) la mot nguyén ham cua f(x)=e*(1—e™) va F(0)=3 thi F(x) la?

A. e*—x B.e"—x+2 C. e"—x+C D. e*—x+1

Cho F(x) Ia mot nguyén ham cia ham s§ f (x)=8(1—2x)’. Tinh 1 = F (1)~ F(0).

A. 1=0. B.1=-2. C.1=-16. D. 1=2.

4: NGUYEN HAM CO BAN HAM HUU TI
P(x)
Dang: | = | —=
e =00

— Néu bac ciia P(x) > bac ctia Q(x) thi ta thyc hién phép chia da thirc.
— Néu béc cua P(x) < bac ciia Q(x) va Q(X) ¢6 dang tich nhiéu nhan tir thi ta phan tich f(x) thanh
téng cua nhiéu phan thire (bang phuong phap hé sb bat dinh).

Chang han: = A + B
(x—a)(x—b) X—a X-b
L - A L BT sia=b? —dac <0
(x—=m)(ax®+bx+c) x—-m ax”+bx+c
1 A B C D

(x—a) (x—b)’ _x—a (x-a)y x—b (x-b)’

Vi du: Tim nguyén ham ctia cac ham so sau:

& Gidi

x> +3x+3 1
a. f(x)= ——. b. f(x)= ——.
®) X+1 e X2 +3X+2

a. Taco:

2
[ £ (0 :dex = [ X+ 24— |dx = S 2+ 2x+ Injx+ 1]+ C.
X+1 X+1 2

h. Ta co:

_ dx B dx 3 1 1
J.f(x)dx - J'x2—3x+2 B J.(x+1)(x+2) dx= I(m_m]dx
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X+1

=Inx+1-Inx+2[+C =1In +C.

Nhdn xét. Qua thi du trén:
Cau a) ching ta chi can thuc hién phép chia da thirc 1a d& bién doi phan thirc hiru ti ban dau
thanh tong cac nhan tir ma nguyén ham ciia moi nhan tir d6 ¢6 thé nhan duoc tir bang nguyén

ham.
Cau b) chling ta nhan thay:
1 _ A B _ (A+B)x+2A+B
X342 X+l x+2 (X+1)(x+2)
Ta duoc dong nhat thirc 1 = (A + B)x + 2A + B. (1)

Dé x4c dinh A, B trong (1) ta lya chon mot trong hai cach sau:
Phuong phdp dong nhat hé so: Pong nhat dang thirc, ta duogc:

A+B=0 A=1
f— .
2A+B =1 B=-1

Cau 80: Tim mot nguyén ham F (x) cua ham s6 f (x)= ax+%(x #0), biét ring F (-1)=1,F (1) =4,

f(1)=0
2 2
A F(x)=2X,3 .1 B.F(x)=2X_3 7
4 2x 4 4 2x 4
2 2
c.F(x)=2X,31 D.F(x)=2x_3 1
2 4x 4 2 2x 2
Cau 81: Tim jGX+2dx.
3x-1
A. F(x):%ln|3x—1|+C B. F(x)=2x+4In(3x-1)+C
C. F(x):2x+%ln|3x—]4+c D. F(x)=2x+4In[3x-1+C
2
Cau 82: Nguyén ham IX_—Hldx
x-1
%2 1 1 2
A. —+In|x-1+C. B.1- ~+C. C. x+——+C. D. x* +In|x-1|+C.
2 (x—l) x-1
. 1
Cau 83: Ho cac nguyén ham ctua ham so f(X):X2 la
A —Eln‘xz—]HC. B. I, c.-tndic. D 1In\xz—q+c.
2 2 |x+1 2 |x+1 2
Cau 84: Ham s nao sau day khong phai la nguyén ham caa ham s6 f (x)= m?
1, |x=2 1, |x=2
A. F(x)==In 1 +C. B. F(x):gln 2x+1+C
X+ =
2
C F(x):—lln 2+l e D. F(x):iln =61,
5 |x=-2 15 |2x+1
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Céau 85:

Céau 86:

Céau 87:

Céau 88:

Céau 89:

Céau 90:

Céau 91:

Céau 92:

Céau 93:

1
X2 — X
B. F(x)=In|x|+In|x-1.
D. F(x)==In|x|+In|x-=1.

Ham sb nao sau day 1a mot nguy@n ham cua ham sé f (x) =

A. F(x)=In|x/-In|x-1.
C. F(x)==In|x-In|x-1.

Bi tj—dx a.In|x—1+b.In|x~2|+C . Tinh gié tri cia biéu thirc a-+b.
A.a+b_1. B.a+b=5. C. a+b=-5. D. a+b=-1.
Ho cac nguyén ham caa ham s6 y = X=L
AJM4+£+C. BIM4—£+C. C €+£+C DJnx+1+C.

X X X X
Tim nguyén ham cia ham s6 f (x) = 2X 2
X —
1 _
A ¢ -4+C.  B.——iC. c.— 1 ic. D. 2In|x* -4[+C.
2 2(x —4) 4(x2—4)
Tim nguyén ham cia ham sé f (x) = ! -
x@+x)
1+ %2 |x|
A. | f(x)dx=In +C. B. | f In +C.
I () X j ( V1+ %2
1+ x? |x|
C. | f(x)dx==In——+C. D. | f(x)dx=-=In +C.
J 1) ™ J g
: 1
Tim ho nguyén ham cua hamso f (X)=———.
? ety Y (x) x> —4x+3
A T3 B. X3¢ C. ——InX—3 C. D. 2n* 3, c.
2 |x-1 2 [x+1 x-1 2 X+
J' dx _
Nguyénhém X*+4x-5
At e B. Lm0 c. c. Im* e D. T X e
6 |[x+5 6 [x-1 6 |[x+5 6 [x-5
Biét r?mgj 5 dX:aIn|X—]4+L+C V6i a,b e Z . Chon khang dinh dung trong cac
X =2x+1 x-1
khang dinh sau:
AL_o B.22_ 1. C.a=2b. p.2__1
a b 2b 2
2X+3

Tim nguyén ham cia ham s6 f (x) =1
X* —X—

A. jf (x)dx:—gln|2x+]4—gln|x—]4+c.

c. [T

5 jf (x)dx:—§In|2x+]4+%ln|x—]4+c.

Xk =2 Inf2x+1+ 2Injx-1+C. D. [ £ (x)dx=-ZIn[2x+3->In[x-g+C.

DANG §: NGUYEN HAM LUQNG GIAC CO BAN
A - CONG THUC LUQNG GIAC THUONG DUNG
1. Cong thirc cong

cos(@a £b) = cosa.coshFsina.sinb
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sin(@ +b) = sina.cosb * sinb.cosa
tana + tanb

1F tana.tanb
2. Cong thirc nhan déi

tan(a +b) =

1-tan’a
1+ tan’a

. . 2tan 2tana
sm2a:25|na.cosa:J[L‘i1 : tanZa:—2
1+tan“a 1-tan‘a
cos3a = 4cos® a — 3cosa ; sin3a = 3sina —4sin®«a
3. Cong thirc ha bac

I 1-cos2a ) 1+cos2a ) 1-cos?a
sifa=— ; cOS’a=—; tanfa=——-—
2 1+ cos2a

. 3 3sina —sin3a 3 cos3a + 3cosa
sin“a = n ; cos’ a = 1

4. Cong thirc bién doi tich thanh tong

cos2a = cos’a —sina =2cos’a—-1=1-2sin’a =

COS r.COS f3 = %[cos(a + B) + cos(a — [3)]
sina.sin § = %[cos(a — B) —cos(a + [3)]

. 1r. .
sina.cos B = E[Sln(a + B) +sin(a - B) |
5. Cong thirc bién doi tong thanh tich

a+ﬁC%a—ﬁ
2 2
+p . a-p

.o
cosa —Ccos B = -2sin > .sin

cosa + CoS B = 2cos

sina +sin B =2sin

2
A+ s @ P
B

sina—sinﬁ:2cosa;ﬁ. in%
sin(a + B)
Cosa cos 8

sin(a — )

tanog —tan g = ——"2
COS o COS f3

tana +tan g =

Hé qua:
cosa +Sina = 2C08(a—%j=\/58in(a+%j
. T . T
CoOSa —Sina =v2cos| o +— |=—VJ2sIn| o — —
4 4
B - BAI TAP

Cau 94: Ho nguyén ham caa ham sé f (x) =sinx+1 la
02
sin? x

A. cosx+x+C. B. +x+C. C. —cosx+x+C. D. cosx+C.

Cau 95: Cho ae R, ham s6 nao sau day khong phai 1a mot nguyén ham ctia ham sé f (X) =cosx.
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A. F(x)=sinx. B. F(x)= ZCOS%aCOSXTa.
C. F(x):ZSin(§+ajcos(§—a]. D. F(x)=23iniacosx_a.
2 2 2 2

Cau 96: Ho nguyén ham cia ham s f (x)=sin2x la

A. —sin’x+C. B. —cos2x+C. C. cos2x+C. D. —cos’x+C.
Cau 97: Trong cac ham so sau, ham s6 nao c6 mét nguyén ham la ham s6 g (x)=tanx?

() f(x)=tan’x+2 (Il) f(X):COSLZX (1) f(x)=tan®x+1

A (). B. (1). C. (11),(1m). D. (1),(11),(1m).
Cau 98: Tim nguyén ham cia hamsb f () =J.(sin 2x—cos3x)dx .
1 1
A. j dx——c052x——5|n3x+C B. j x =——c052x——5|n3x+C
3 3
C. I dx——cost sin3x+C. D. J.f(x)dx=c052x+sin3x+C.
Cau 99: Nguyén ham ctia ham s6 f (x)=sinxcosx la:
A. —sin Xcos X. B. %c052x+c. C. —%cost+C. D. %sin2x+c.
Cau 100: Ho nguyén ham cia ham s f (x)=4" +sin’x la
= 3 = 3
A &inx+21 XL c. B. #Inx—*,¢c.
) 4 +£—£sin2x+C. D. 4 —Esin2x+C.
In4 2 4 Ind4 4

Cau 101: Tim nguyén ham caa ham s6 f (x) =tan” x..
A J.f(x)dx=tanx+x+C. J.f(x)dx=tanx—x+C.
C. If(x)dx=tanx+C. D. If(x)dx=x—tanx+C.
Cau 102: Nguyén ham ctia ham s6 f (x) = sin 3x.cos5x la.

@

A J'f(x)dx:ic052x—ic058x+c. B. J'f(x)dx:ic052x—isin8x+c.
4 16 4 16

C. jf(x)dx:lsin 2x—-L cos8x+C. D. jf(x)dx:-icoszx+ic058x+c.
4 16 4 16

Céu 103: Tinh | =J'8sin3xcosxdx=acos4x+bc032x+C . Khi d6, a—b bing
A. 1l B. 2. C.3 D. -1.
CAu 104: Nguyén hélmJ.sin2 2xdx la

A. 1x+lsin4x+C. B. 1sin32x+C.
2 8 3

C. 1x—lsin4x+C. D. 1x—lsin4x+C.
2 4 2 8

DANG 6: NGUYEN HAM HAM SO MU LOGARIT

CAau 105: Tim ho nguyén ham ciia ham sé f (x)=5".

A J.Szxdx=2.52X +C B J'Szxdx= 25 +C
' In5 ' 2In5
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Céau 106:

Céau 107:

Céau 108:

Céau 109:

Céau 110:

Cau 111:

Céau 112:

Céau 113:

Cau 114:

25x+1
X+1

+C.

C. J.52XdX=2.5“In5+C. D. ISZde=

Tim ho nguyén ham caa ham s f (x) =™
f d 2018>< C
I (x)dx 2018 i

c j X) dx = 20186 +C

B J. f(x)dx=e**+C |

D. J. f (x)dx =e****In2018+C |

Ham sb nao dudi day 1a nguyen ham cia ham s6 f (x)=¢"*" ?

A, y=—4e"™, B.y= %e“x. C.y= _Ile“x . D. y=e"".

Cho F(X) 1a mat nguyén ham cua ham s6 f (X)=€"+2x thoa man F (0) :%. Tim F(x).

AF(x)=e sxts>. B. F (x)=2¢" + X"~
C.F(x):ex+x2+%. D.F(x)zex+x2+%.
Cho ham s6 f(X) thoa mén f'(X) =2018In2018—cosx va f (0) = 2. Phét biéu nao sau diing?
) 2018 .
A. f(x)=2018"+sinx+1. B. f(x)= +sinx+1,
( ) ( ) In2018
2018 . )
c. f(x)= —sinx+1, D. f(x)=2018"-sinx+1.
( ) In2018 ( )
3X\2
Tmhj(z+e )2dx
A 3x+2ev s oo i B. 4x+ 26 1 2684 C
3 6 3 6
C. ax+2ev Yoo D. ax+2em Lo
3 6 3 6
Ham sé F(X)=€"+€ ™ +X 1a mot nguyén ham caa ham sb nao sau day?
A f(x)=e"+€'+1 B. f(x):ex—ex+%x2
c. f(x)=e"—e"+1 D. f(x)=e*+e +%x2
Ho nguyén ham cia ham sé (X)=€*—€ > 1a:
3x —2X 2X -3x
A. € +e2 +C. B. © +e +C.
3x -3X -2X 3X
C.e +e2 +C. D.e +e +C.
" N ) N X _32x 3X .
Ho nguyén ham cia hamsé F(X)=3"-2"" 13
2X -3X 2X -3X
2 2
A. 3 + +C. B. 3 — +C
2.In3 3.In2 2.In3 3.In2
—2X 3x —2X 3X
2 2
C. 3 + +C. D. 3 — +C
2.In3 3.In2 2.In3 3.In2

Tim nguyén ham cia ham s6 f (x)=¢” (1+ e )
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AJ. dx e +C. BJ. dx e*+x+C.
CJ. dxe+e+C DJ. dx e*+C.
Cau 115: F(X) 12 mot nguyén ham cua ham sé y=xe*. Ham sé nao sau day khong phai 1a F(X)?
1 e ~
A F(x)=3e"+2, B. F(x)= (e +5).
1 x2 _ X2
C. F(x)=-S¢" +C. D. F(x)_—E(Z—e ).
7 X X \/;
Cau 116: Tim nguyén ham F(X) cia hamsé f(x)=2’ (3 7 |
12 2x/x
A. F(X)= - +C B. F(x)=12" +xvx+C.
() In12 3 ()
c F(X)_z“ 3 xx 5 F(X)_sz 3 x/xIn4
' In2{ In3 4 | ' In2{ In3 4 '
Cau 117: Tinh nguyén ham caa ham s6 f (x)=¢" [2017— 201264 ]
X
A. J‘ x)dx = 2017¢" + 2018 +C. B. I f(x)dx =2017e* + 50‘1’1'5 +C.
X
N 504,5 2018
C. [ f(x)dx=2017 —+C. D. [ f(x)dx =2017¢" +C.
Cau 118: Tinh [ 237" dx
A 84* e B 22X 34 7" N Can D. au
nea EVITETTS, . 84" +C .84%In84+C
2x+1
Cau 119: Nguyén ham J'de la:
5§x+1 2—)( 5§x+1 25
A —e —e3+C, B.—e® +—-e3+C,
3 3 3 3
5§x+1 25 5§x+1 2—)(
Cc.—e* ——e®*+C, D. -€e® +—-e3+C,
3 3 3 3
1

Céu 120: Cho F(X) Ia nguyén ham ciia ham s6 £ (x)= va F(O):—%In4. Tap nghiém S ciia

e +3
phuong trinh 3F(x)+|n(ex+3)=2 la
A. S={2}. B.S={-22}. c. S={12}. D. S={-21.

Cau 121: HaM s6 F (x) = %e"‘*”(gx2 ~24x+17)+C la nguyén ham cua ham s6 nao dudi day.
A f (x)z(x2 +2x—1)e3“1. B. f (x)z(x2 —2x—1)e3”1.
C. f (x)z(x2 —2x+1)e3“1. D. f (x)z(x2 —2x—1)e3x’1.

Cau 122: Cho hai hamsé F (x)=(x* +ax+b)e™ va f(x)=(-x"+3x+6)e™. Tim ava b d¢ F(x) lamot
nguyén ham ciia ham s6 f(X).
A .a=1,b=-7. B.a=-1,b=-7. C.a=-1,b=7. D.a=1,b=7.
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Cau 123:

Cau 124:

DANG 7:

Céau 125:

Cau 126:

Cau 127:

Cau 128:

Cau 129:

Céau 130:

Céau 131:

Cau 132:

Cho F(x)=(ax®+bx—c)e” la mot nguyén ham cia ham s f () =(2018x* —3x+1)e” trén
khoang (—o0;+0). Tinh T =a+2b+4c.

A. T =-3035. B. T =1007. C. T =-5053. D. T =1011.

Bict F(x) =(ax2 +bx+c)e*X la mot nguyén ham cia ham s6 f (x)= (2x2 —5x+2)e*X trén R
Tinh gid trj cta biéu thae f [ F(0)].

A —et. B. 20e?. C. %e. D. 3e.

NGUYEN HAM CO BAN BIET HAM f'(x)
Cho ham sé y= f (x) théa mén f'(x):ﬁ, f()=1. Tinh f(5)
X_
A fG)=2n3+1. B f(5):%ln3. c. £(5)=In2. D. f(5)=In3+1.
Cho hamso f (x) thoa mén dong thoi céc dicu kién f'(x)=x+sinx va f(0)=1. Tim f(x).
2 2
A. f(x)zx?—cosx+2. B. f(x)zx?—cosx—Z.
2 2
C. f(x)=X—+cosx. D. f(x)=X—+cosx+1.
2 2 2
Cho hamsé f(x) thoaméin f'(x)=3-5cosx va f(0)=5. Ménh dé nao dudi day ding?
A. f(x)=3x+5sinx+2. B. f(x)=3x-5sinx-5.
C. f(x)=3x—5sinx+5. D. f(x)=3x+5sinx+5.
Tim ham s6 y = f (x) biét f'(x)=(x*—x)(x+1) va f(0)=3
4 2
A. f(x):XT+X7+3. B. f(x)=3x*-1.
x* x? x* x?
, -2 2 .3, D. == 2 3.
C. f(x) 2 2+3 f (x) 7 3
L f(0)=2017, f(2)=2018.

Cho hamso f (x) x4c dinh trén R\{1} théamdn f'(x)= 1
X_
f

Tinh S = £ (3)— f (~1).
A.S=4. B.S=In2. C. S=1n4035. D. S=1.

Cho hamso f (x) xéc dinh trén R\{-2} théa man f’(x):3x_21, f(0)=1va f(-4)=2.Gia
X+

tri cta bieu thie f(2)+ f (-3) bang:

A.3-20In2. B. In2. C.12. D. 10+In2.

Cho ham 8 F (x) xde dinh trén R\ {1} thoa man '(x)=—=—; £ (0)=Lva f 1)+ f (-2)=2.
X+

Giatri f (—3) béing

A. 2+In2. B.1+2In2. C.1-In2. D. 1.

, x> +1
Cho ham so f (x) xac dinh trén R\{0} thoa manl f’(x):( - ) , f(-1)=1va f(1)=2.
X

Gid tri cua bieu thue f (—2)+ f(2) bang
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A.27f7+4ln2. B. %+4In2. C. 4In2. D.%+4In2

Cau 133: Ham s6 f (x) xdc dinh, lién tyc trén R va c6 dao ham la f'(x)=|x-1]. Biét rang f (0)=3.
Tinh f(2)+f(4)?
A. 10. B. 12. C.4. D. 11.

Cau 134: Biéthams6 y = f (x) c6 f'(x)=3x*+2x—m+1, f(2)=1 va do thiciahamsb y = f (x) cit
truc tung tai diém c6 tung d6 bang -5. Ham s f (x) Ia

A. xX*+x>—-3x-5. B. x*+2x*-5x-5. C.2x3+x*-7x-5. D. x*+x*>+4x-5.

Cau 135: Cho ham s6 f (x) x4c dinh trén R\{-2;1} théa man f’(x):z;2 va f(-3)-f(3)=0.
X+ X—
Gid tri cua biéu thic f(—4)— f(4) bang
A 0. B. —llnz. C.llnz. D.llns.
3 3 3
Cau 136: Cho ham s6 f (x) xéc dinh trén R\{-11} vathéa min f'(x)= 21 T Biét rang
X j—
s 1 1 .
f(-3)+f(3)=0va f(—E}L f (Ejzz. Tinh T =f(-2)+ f(0)+ f(4).
A.T:1+Ing. B.T:1+In§. C.T:1+£Ing. D.T:1+lln§.
5 5 2 5 2 5
DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 20

Facebook: https://www.facebook.com/dongpay



ST&BS: Th.S Dang Viét Dong THPT Nho Quan A Nguyén Ham -Tich Phan va Ung Dung

- PHUONG PHAP NGUYEN HAM POI BIEN
2. Doi bieén dang 1
Néu ham s6 f(x) lién tuc thi ddt X =¢(t). Trong d6 ¢(t) cling véi dao ham cua né (¢'(t) la nhiing ham
s6 lién tuc) thi ta duoc :
[ f0gdx=[to(t)]e'(t)dt=[g(t)dt=G(t)+C.
2.1. Phwong phap chung

Budc 1: Chon t=¢(x). Trong d6 ¢(x) & ham so6 ma ta chon thich hop .
Bude 2: Tinh vi phan hai vé : dt=¢'(t)dt.

Budc 3: Bidu thi : f(x)dx=f[o(t)]e'(t)dt=g(t)dt.

Buée 4: Khid6 : 1= f(x)dx = [g(t)dt=G(t)+C

2.2. Cé4c dau hiéu doi bién thwong gip :

Dau higu Cach chon
Ham s6 mau s6 co t 1a mau so
Ham sé : f(x;,/qo(x)) t=/o(X)

. a.sinx+b.cosx
Ham f(x): - t:tani;(cosé;toj

c.sinx+d.cosx+e 2 2

. 1 Véi: x+a>0 va x+b>0.

Ham f(x)=
(x+a)(x+b) bit : t=vJx+a+VXx+b
Véi x+a<0 va x+b<0.
Dit: t=+v-x—a+vJ-x—b

1. Poi bién dang 2
Néu : j f(x)dx=F(x)+C vavéi u=g(t) laham sé co dao ham thi :

[ f(u)du=F(pt)+C
1.1. Phwong phap chung

Budc 1: Chon x =g (t), trong d6 ¢(t) 1a ham sé ma ta chon thich hop .

Budc 2: Ly viphan hai vé : dx =¢'(t)dt
Budc 3: Bién déi: f(X)dx=f[o(t)]e'(t)dt=g(t)dt
Bude 4: Khi d6 tinh : [ f(x)dx = [g(t)dt =G(t)+C .

1.2. Céc dau hiéu doi bién thuwong gi

Dau hi¢u Cach chon
bit x =|alsint ; véi te[—z;z}.hoéc x =a|cost ;
a? —x* 2 2
V6i t E[O;ﬂ'].
a a
Dit x:|_—|. Vo te[—f;ﬁ}\{o} hoic o
— sint 2 2 cost
x°—a B .
VOoi te[O;ﬂ]\{—}.
2
it x =|a|tant ; véi te(—z;zj.hoéc x =[a|cott
a2 +x* 2 2
VGite (0;7r).
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28X hoge ,|2=X Dit x = acos2t
a—X a+ X
(x—a)(b—x) Pit x=a+(b—a)sin’t
5 ! 5 bat x = atant ; voi te(—z;zj.
a“+x 2 2
BAI TAP ‘
DANG 1: PHUONG PHAP TiNH NGUYEN HAM BANG CACH PUA VAO VI PHAN
Caul. Chohams f (x)=—=X_. Khido:
X“+1
A [ £ (x)dx=2In(1+x*)+C. B. [ f(x)dx=3In(1+x*)+C.
C. j dx 4In 1+x)+C. D. If x In 1+x)+C.
Cau2.  Ho nguyén ham cia ham sé f(x) = — 2% la:
X°+4x—-4
A %.In‘x2+4x—4‘+c. B. In|x*+4x—4|+C.
C. 2In|[x* +4x-4|+C. D. 4In|x* +4x—4|+C.
A A s g 3x?
Céu 3. Ho nguyén ham ciia hamso f(x) =—;
X+
A. 3In|x*+4/+C B. -3In|x*+4|+C
C. In|x*+4[+C D. —In|x*+4]+C
] x°
Cau4. TinhF(x) =I4—dx
X" =1
s 1
A F(x)=In|x-1+c B. F(x)_zln\x -1+C
1, 1.
C. F(x)_EIn‘x -1+C D. F(x)_gln‘x -1+C
A A ba s 2 sinx .
Cau 5. Ho nguyén ham cia hamso f(x) = la
cosx—3
A. —In|cosx—3[+C B. 2In|cosx-3[+C
In|cos x — 3|
————— "iC D. 4Injcosx—3|+C
Cau 6.  Nguyén ham cua ham sé: y = sin®x.cosx la:
A. %cos4x+C. B. %sin4x+C. C. %sin3x+C. D. —cos’x+C .
Cau 7. Tinhjcos x.sin? x.dx
A 3sin X_S'n3X+C B. 3cosx—c053x+C
12
sin® x .
C. +C D. sinx.cos* Xx+C
Cau 8. Ho nguyén ham cia hamsb f (x)=tanx I&:
A. In|cosx|+C B. —In|cosx|+C
DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 22

Facebook: https://www.facebook.com/dongpay



ST&BS: Th.S Dang Viét Dong THPT Nho Quan A Nguyén Ham -Tich Phan va Ung Dung
n® x
C. X ¢ D. In(cosx)+C
Cau9. Ho nguyén ham cia ham sé f(x) =— ;I
e+
A. —e*-3+C B.3e"+9+C
C. -2In|e* +3+C D. Inje* +3[+C
Cau 10. Ho nguyén ham ciia ham sé f(x) =2x2* Ia;
AL ¢ B. L2 4C c.n2 ¢ D. In2.2 +C
In2.2* In2 2"
Cau 11. Ho nguyén ham ciia ham sé f(x) =2xe* la:
A2 scC. B.Z +cC.
2
C. e +C. D. e’ +C.
Cau 12. Tinh j x.e* dx
A e iC. B. %exz +C.
C. 1ex2+1+C. D. 1ex2‘1+C.
2 2
Cau 13. Tim nguyén ham ciia ham s f (x) :In_x.
X
2 1 2
A. jf(x)dx:ln x+C. B. jf(x)dx:Eln x+C.
C.If(x)dx:lnx+C D.If(x)dx:eX+C
C&u 14. Nguyén ham jl+|nxdx(x>0) bang
X
A.%In2x+lnx+C. B. x+In*x+C. C.Inx+Inx+C. D. x+%|n2x+C.
Cau 15. Ho nguyén ham cia ham sé f(x) = 2leln(x2 +1) la:
x* +
A %Inz(x2+1)+C B. In(x*+1)+C
1 2 2 1 2 2
C. Eln (x*+1)+C D. Eln (x*+1)+C
Cau 16. Tinh j dx
X.In'x
A. Inx+C B. In|x|+C
C. In(Inx)+C D. In|Inx|+C
Cau 17. Ho nguyén ham IX.\S/ x? +1dx bang

DANG 2:

A. %.ﬂ(x2 +1) +C. B. 2.3 (x*+1)+C. C. 2.3 (x*+1)*+C. D. %.ﬂ(x2 +1)* +C.
PHUONG PHAP TINH NGUYEN HAM BANG CACH POI BIEN SO

Loai 1: Néu j f (x)dx=F(x)+C thi j flu(x)]u'(x)dx=F[u(x)]+C.
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Gia sir ta can tim ho nguyén ham | = I f (x)dx, trong dé ta c6 thé phan tich f(x)=g (u (X))u "(x)
thi ta thyc hién phép doi bién s6 t=u(x), suy ra dt=u'(x)dx.
Khi d6 ta dwoc nguyén ham: [g(t)dt =G (t)+C =G[u(x)]+C.
Chu y: Sau khi tim duge ho nguyén ham theo t thi ta phai thay t=u(x).
HAM PA THUC, PHAN THUC
Cau18. Cho | f(x)dx=F(x)+C. Khidé véia=0,taco [ f(ax+b)dxbang:

A.ZiaF(ax+b)+C B. aF(ax+b)+C

C.éF(ax+b)+C D. F(ax+b)+C

Cau19. Hamsd f(x)=x(1—x)" c6 nguyén ham Ia:

(x-D” (x-" (=12 (=D

A. F(xX)= _ B. F(x
) 12 11 (0= 12 11
i _1\10 it 10
c =D (D o D Fo=&=D (XD o
11 10 11 10
Cau 20. Tinh j (1+X) thu duoc két qua 1a:
A. In|x|(x*+1)+C. B. In|x|v1+Xx* +C.
2
con—l e p. i _.ic.
V1+x? 2 1+X
Cau 21. Tinh‘|‘x(x+1)3 dx la:
5 4 5 4
a el 0l p W) ¢
5 2 5 4 2
C. X—+3L+x —X—+C D. X—+3L—x +X—+C
5 4 2 5 4 2

Cau 22. Xét | = j x* (4x* —3)5dx . Béng cach dat: u = 4x* -3, khing dinh nao sau day diing?
A.I:ijusdu. B.I:ijusdu. C.I:Iusdu. D.Izijusdu.
16 12 4

Cau 23. Cho [2x(3x-2) dx=A(3x—2)’+B(3x~2)'+C véi A, B €Q va C cR. Gid trj ciia biéu
thirc 12A+ 7B bang

gy B. 22, c.2 D. L.
252 252 9 9
Cau 24. Nguyén ham cﬁaJ' —dx la:
X“+1
A Inft|+C, voi t=x*+1. B. —In|t|+C, véi t = x* +1.
C. %In|t|+C,v<’yi t=x*+1. D. —%In|t|+C,v<’yi t=x*+1.

HAM CHUA CAN THUC
Cau 25. Tim ho nguyén ham cia hamsé f (x)=+2x+3

A [ F(x dx:—x\/2x+3+C B. jf(x)dx:%(2x+3)\/2x+3+c.
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C. [f(x X)dx = 2 2x+3)\/2x+3+C. D. [ f(x)dx=+v2x+3+C.
Cau 26. Hamsb F(x) nao dudi day la nguyén ham ciia ham s6 y =3/x+17?
3 4
F(x)==(x+1)3+C
A. (=g (1) . B. F(x):%3(x+1)4+c.
C. F(x) =2 (x+)¥x+1+C. D. F(x)=>4l(x+1 +C.
Cau 27. Tim ho nguyén ham cua hamsé f (x)= 2\/% .
A. j \/2x+1+C B. If(x)dx:\/2x+1+C.
1
C. | f(x)Jdx=2v2x+1+C. D. | f(x)dx= +C
I (xp j () (2x+1)v2x+1
Cau 28. Mot nguyén ham caa ham so: f(x) = xv/1+x? 1a:
A F(x):%(\/1+x2 )3 B. F(x):%( 14+ )2
X2 7\ 1 2
C. F(x)=?(\/1+x ) D. F(x):E( 1+x2)
Cau 29. Ho nguyén ham cua ham sé f(x) = 2x+1-x* la:
A. % (1-x) +C B. -/(1-x) +C
C. 2)/(1-x?) +C p. -2 (1-x2) +C
3
Cau 30. Ho nguyén ham cia ham sé f(x) = x3/3x -1 Ia:
1./ 7 1, 5 1. s 1 . 4
A. ZS (3X—1) +E3 (3X—1) +C. B. ES (3X—1) +ES (3X—1) +C.
c. %?/(Z%X—l)s +3(3x-1)+C. D. és (3x-1)° +% (3x-1)+C.
Cau 3L Cho I = [x*\x* +5dx, dit u=+x"+5 khid6 viét | theo u va du ta duoc
Al :I(u“—Suz)du. B. | :qudu. C. | :I(u4—5u3)du. D. | :I(u4+5u3)du.
4
Cau32. Cho I =[x1+2xdx va u=+2x+1. M¢nh dé nio dusi day sai?
: 3
A I:—sz(xz—l)dx. j
24 1
5 3 3 3
Cor=ifL_ U 1j
2l5 3, 29
Cau 33. Kbhi tinh nguyén ham I X3 dx, bang cach dit u=+/x+1 ta duoc nguyén ham nao?
Vx+1
A. IZu(u2—4)du. B. I(u2—4)du. C. Iz(u2—4)du. D. I(uz—s)du.
5
Cau 34. Tinh tich phan: | = | duge két qua 1 =aln3+bIn5. Téng a+b 1a
1 XA/3x+1
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A 2. B. 3. C. -1. D. 1.
Cau 35. Ho nguyén ham ciia ham s f (x) =
A. %(x2 +2)\/1—x2 +C B. —%(x2 +1)\/1—x2 +C
C. %(x2 +1)V1-x* +C D. —%(x2 +2)V1-x* +C

~ HAM LUQNG GIAC
Mét so dang tich phan lwgng giac
b

o Néugip | :jf(sinx).cosxdx ta dit t=sinx.

a

e Néu gap dang | = f(cosx).sinxdx ta dit t =cosx.

e Néu gap dang | = f(tanx) ta ddt t=tanx.

COS™ X

dx

sin’ x

e Néu gip dang | ta dat t=cotx.

Il
D m— T D Cm—T D C— T

f (cotx)

Cau 36. Theo phuong phap doi bién sd vai t =cosx,u =sin x, nguyén ham cua | = I(tan x+cotx)dx la:

A. —In|t|+|n|u|+C. B. In|t|—|n|u|+C.
C. In|t|+|n|u|+C. D. —In|t|—|n|u|+C.
(3)
_cin3 _ ~
caus7. Biét ~ (%) 1 mot nguyén ham cia hams§ | (X)=Sin xcosx y F(0)=m o " (2)
T
F(_j:_ﬂ T T 1 ) 1
A \2 . B. F(—]:ﬂ. C. F(—]:——+ﬂ. D. F(—j:—m.
2 2 4 2) 4

Cau 38. Tim nguyén ham j _SIN2X . két qua 1a

\J1+sin? x
V1+sin® x — — —
——+C. B. Vv1+sin“ x+C. C. —V1+sin°x+C. D. 24J/1+sin“x+C.

A.
2
L, 2sin X+ 2c0s x
Cau 39. Theo phuong phap doéibién sé (X —t), nguyén hamcua | = dx la:
phuong phap (x—>1), nguy | Tsnax
A 2%t +C. B. 63t+C. C. 3%t +cC. D. 12%t +C.

HAM MU -LOGARIT
Cau 40. Tim ho nguyén ham cia hamsé f (x) = x2eX

A j(—t‘5+2t‘3—%]dt :%t‘4—t‘2—ln|t|+C. B. [ f(x)dx=3e""+C.

1 . X3 3
C. | f(x)dx==e""+C. D. | f(x)dx=—e""+C.
Jax=5 Jt(x)ax==
Cau 41. Tim nguyén ham | :J' dXX .
l+e
Al =x-Infl-¢’[+C. B. I =x+Infl+e*[+C.
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C. 1 :—x—ln‘1+eX

D.l=x-In

+C.

CAau 42. Véiphuong phap doi bién s (x —t), nguyén ham jmdx bang
X
1

A Et2+c. B.t*+C. C. 2t°+C. D. 4t°+C.
Cau 43. Ham sb nao dudi day 1a mot nguyén ham cia ham sb y = 2°".2°°* (cos x —sin x) ?
_ ~sinx-+cosx 25|nx.2cosx ) Sin X+C0S X
A Y=2 +C B.y=———. C. y=In2.2°"""* D, y=—2 +C.
In2 In2
A by A X In2 by A . A by n by by A
Cau 44. Chohamsd f(x)= 2 T . Ham s6 nao dudi day khdng la nguyén ham caa ham so f (x) ?
X
A F(x)=2"+C. B. F(x)zz(zﬁ—1)+c.
C. F(x):2(2ﬁ+1)+c. D. F(x)=2""+C.
Cau 45. Nguyén ham cua f (x) = L+Inx la
X.Inx
jl+lnx =In[inx/+C. jl+lnx In‘xz.lnx‘+C.
X.In x X.In x
C. jl+lnx =In|x+Inx+C. jl+lnx =In|x.Inx|+C.
X.In x X.In x
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PHUONG PHAP NGUYEN HAM TUNG PHAN

Cho hai ham sé u va v lién tuc trén doan [a;b] va c6 dao ham lién tuc trén doan [a;b].

Khi dé:judv = uv—Ivdu. (*)

Pé tinh nguyén ham I f (x)dx béng timg phan ta lam nhu sau:

Buéc 1. Chon u, v sao cho f (x)dx=udv (chdy dv=v'(x)dx).

Sau d6 tinh v = [dv va du=u"dx.

Budre 2. Thay vao cong thire (*) va tinh I vdu .

Chu y. Can phai lya chon va dv hop li sao cho ta d& dang tim dugc v va tich phan Ivdu dé tinh hon IUdV'

Ta thuong gap cac dang sau

sin x
e Dang 1. | :J'P(x){ }dx,trong d6 P(x) la da thic.u
COS X
u="P(x)
V6i dang nay, ta dat sin x :
dv= dx
COS X

e Dang 2. | = [P(x)e™"dx, trong d6 P(x) la da thirc.
u="P(x)
dv =e™dx

e Dang 3. | = [P(x)In(mx+n)dx, trong &6 P(x) la da thirc.

V&1 dang nay, ta dat {

u=In(mx+n)
V&1 dang nay, ta dat
dv = P(x)dx

sinx |
0Dang4.lzj cos X e’dx .

sin X
U=
V61 dang nay, ta dat COSX |.
dv =e’dx

BAI TAP

DANG 1.
Caul: Nguyén ham cia hamsd f(x)=xsinx la:

A. F(x)=-xcosx—sinx+C. B. F(x)=xcosx—sinx+C.

C. F(x)=—xcosx+sinx+C. D. F(x)=xcosx+sinx+C.
Cau2: Biét Ixcostdx:axsin 2x+bcos2x+C vé6i a, b 1a cac sb hitu ti. Tinh tich ab ?

A. abzl. B. ab:l. C. ab:—l. D. ab:—i.

8 4 8 4

Cau 3: Nguyén ham cua | =Ixsin2 xdx 1a:

A. 1(2x2 —xsin 2x—c052x)+C . B. 1c052x+1(x2 +xsin 2x)+C .

8 8 4
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1 1 .
C. Z(Xz—ECOSZX—XSIn 2x]+C. D. Pép 4n A va C ding.
Cau4: Tim nguyén ham | :I(x—l)sin 2xdx

(1-2x)cos 2x+sin 2X+C _(2—2x)c052x+sin 2X

Al = . B. I = +C
2 2
1—-2x)cos2x +sin 2x 2—2X)C0S 2X +Sin 2X
C. | =( ) +C. D. | =( )
4 4
Cau 5:  Tim nguyén ham Isin Jxdx
. 1 .
A. J.sm\/;dx=—cos\/§+c. B. Ism\/;dx:—cos x+C.
2Jx
C. Isin\/;dx:cos\/;+c. D. Isin\/;dx:—Z\/;cos\/;+23in\/§+C.
Cau6: Nguyén ham cia | = [ xsinxcos” xdx la:
A. I, =-xcos’ X+t-1t? +C,t=sinx. B. I, =—xcos’ X+t—2g +C,t=sinx.
3 3
C. I, =xcos® x+t—%t3 +C,t=sinx. D. I, =xcos® x+t—§t3 +C,t=sinx.
Cau7: Mot nguyén hamcua f(x)= X2 la:
cos? X
A. xtan x—In|cos x| B. xtan x+In(cosx)
C. xtanx+In|cos x| D. xtan x—Inlsin x|
Cau8: Mot nguyén ham cia f(x)=—— Ia:
sin? x
A. xcotx —In|sinx| B. —xcotx +In(sinx)
C. —xtan x+In|cos x| D. xtan x—Inlsin x|
DANG 2.
Cau 9: Ho nguyén ham cua Iex (1+x)dx I:
A l=e"+xe*+C. B. I:ex+1xeX+C.
2
C. I:%ex+xex+c. D. 1=2¢"+xe*+C.
Cau 10: Biét Ixezxdx:axezx+be2X+C (a, be Q). Tinhtich ab.
A. ab:—i. B. ab:l. C. ab:—l. D. abzl.
4 4 8 8
Cau 11: Biét F(x)=(ax+b)e* la nguyén ham cua ham s y=(2x+3)e*.Khidé a+b la
A. 2. B. 3. C. 4. D. 5.
Cau 12: Biét j(x+3).e‘2xdx:—le‘zx(2x+n)+c,véi m,neQ.Tinh S=m?+n’.
m
A. S=10. B. S =5. C. S=65. D. S=41.
Cau 13: Cho F(x)la mot nguyén ham ciia ham so f (x) =(5x+1)e* va F(0)=3. Tinh F(1).
A. F(1)=1le-3. B. F(1)=e+3. C.F(l)=e+7. D. F(l)=e+2.
DANG 3.
Cau 14: Két qua cia I In xdx 1a:
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Céau 15:

Céau 16:

Céu 17:

Céau 18:

Céau 19:

A. xInx+x+C B. Bap an khac
C. xInx+C D. xInx—x+C

Nguyén ham cua | :jxln xdx bang véi:

2

X x? 1
A.—Inx—dex+C. B.—Inx—j—xdx+C.
2 2 2

C. lenx—j%xdx+c. D. lenx—jxdx+C.

Tim nguy&n ham ctia ham so f (x) = xIn(x+2).

AI dx——In(x 2)- X +4X+C. B.If In(x+2)- +C.
2 2
C. I =—In( 2)—X ;4X+C. D. If X)dx = In( +2)—X +4X+C.
Ham sb nao sau day la nguyén ham cﬁag(x):ln—xz?
(x+1)
A, Zn2x=xin2 | x| ggg. g, =X 0| X |, 1008,
X+1 |x+1| X+1 |x+1|
c. X 02X 14 2016. D. X X4 2017
X+1 X+1 X+1 Xx+1
Tim nguyén ham caa ham 6 f (x)=+/xInx.
3
AI dx——x2(3lnx 2)+C. B.If(x)dx=§ x?(3Inx-2)+C.
2 3 2 2
C.[f( x)d=<x? (3Inx-1)+C. D. [ f(x =5X (3Inx-2)+C.

3 I
I(Zx\/x2 +1+xIn x)dx co dang %(\/x2 +1) +%x2 In x—%x2 +C, trong d6 a, b 1a hai so hitu ti.
Giatri a bang:

A. 3. B. 2. C. 1. D. Khéng ton tai.

Cau 20: Cho F(x)= (Inx+b) la mot nguyén ham cia ham s6 f (x)= 1+Inx , trong d6 a, beZ. Tinh
X

S=a+b.

A.S=-2. B. S=1. C.S5=2. D. S=0.

DANG 4:
Cau 21: Phat biéu nao sau day la dang?

A. jexsin xdx = e* cosx—IeX COS XdX. . B. jexsin xdx = —e* cosx+IeX COS XdX. .

C. Iex sin xdx = e* cosx+IeX COS XdX. . D. Iex sin xdx = —e* cosx—IeX coS Xdx.
Cau22: TimJ :Iex.sinxdx?

A. J =%(cosx—sinx)+c. B. J =%(sinx+cosx)+c.

C.J =%(sinx—cosx)+c. D. J =%(sinx+cosx+1)+c.
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TICH PHAN
A. KIEN THU'C CO BAN
1. Pinh nghia
Cho f 1a ham sb lién tuc trén doan [a;b]. Gia st F 1a mot nguyén ham caa f trén [a;b]. Hiéu sb
F(b) - F(a) duogc goi 1a tich phan tir a dén b (hay tich phan x4c dinh trén doan [a;b] cta ham s6 f (x), ki

b
higu 1a [ f (x)dx.
b
Ta dung ki hiéu F(x)|j = F(b) - F(a) dé chihiéusd F(b)-F(a). Vay j f (x)dx = F(x)|z =F(b)-F(a).

Nhdn xét: Tich phan cia ham s f tir a dén b c6 thé ki higu boi i f(x)dx hay i f (t)dt. Tich phan d6 chi
phu thudc vao f va cac can a, b ma khdong phu thudc vao céch ghi bign s0. a

Y nghia kinh hoc ciia tich phdn: Néuhamsé f lién tuc va khong am trén doan [a;b] thi tich phan i f (x)dx
la dién tich S cuia hinh thang cong gi6i han boi d6 thi ham sé y = f (X), truc Ox va hai dudng thang X =a,x = b.
Vay S :jl f (x)dx.

2.Tinha chat ciia tich phan

1. i f(x)dx=02. T f(x)dx = —i f (x)dx

a a b

3. i f(x)dx +i f(x)dx :f f(x)dx (a<b<c)a. ik. f(x)dx = k.i f(x)dx (k e R)

5. i[ f(x)£g(x)]dx = i f (x)dx J_ri g(x)dx.

B. BAI TAP '
DANG 1: PINH NGHIA TINH CHAT TiCH PHAN

Caul: Chohamso y=f(x), y=g(x) liéntuc trén [a;b] vaso thuc K tily y. Trong céc khing dinh sau,
khang dinh nao sai?

A Jregm

B. | xf (x)dx = XI

D ey T

C.

D. I[f (x)+g(x)]dx:i f (x)dx+ig(x)dx

a

kf (X)dx =0

D e

Cau2: Khang dinh ndo sau ddy sai?

A. T[f (x)+g(x)]dx:i f (x)dx+ig(x)dx. B.

a

f(x)dx =

D ey T
O C—, T

f(x)dx+If X ) dx
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b

cj dx:jf X)dx. D.if(x)dx:ff(t)dt.

Cau3: Chohaihamsd f(x) va g(x) liéntuc trén K, a, beK . Khang dinh nao sau day 1a khing dinh
sai?
b b b
A. I[f (x)+g(x)]dx:f f (x)dx+fg(x)dx. B. ka X)dx = kI

a
b

C. Tf(x)g(x)dx:if(x)dx.ig(x)dx. D. I[f x)]dx:if(x)dx—fg(x)dx.

a a

Cau4: Cho haisb thyc a, b tlyy, F(x) la mot nguyén ham ciia hamsé f (x) tréntap R. Ménh dé nao

duoi day la dang?

b
A j x)dx = f (b)—f(a). B. [ f(x)dx=F(b)-F(a)

b
C. jf(x)dx:F(a)—F(b). D. [ f(x)dx=F(b)+F(a).

Cau5: Cho f(x) laham sb lién tuc trén doan [a;b] va c e[a;b]. Tim ménh dé ding trong c4c ménh dé

saul.

b b
Aj dx+I x)dx = | f(x)dx B. jf dx+I dx:jf(x)dx

: b b

Cj x)dx— [ f(x) D. [ f(x dx+j dx:jf(x)dx

('D>

><
Q_
>
Il
D C— O f_,_ Ot 0 T —
—
—_~
>
N—
o
>

Cau6: Chohamsé y=f (x) lién tyc trén khoang K va a,b,c e K. Ménh dé nao sau day sai?

b
Aj dx+I (x)dx=| f (x)dx B. If I t)dt.
C. j =—[ f(x)dx. D. [ f(x)dx=0.
b a
Cau7: Chohamsd f(t) liéntuctrén K va a,beK, F(t) 1a mot nguyén ham ciia f (t) trén K. Chon

khang dinh sai trong cac khang dinh sau.
b
A. F(a)-F(b)=]f(t)dt. B.

a |
|

b

C. j dt_U dt] .

a

f(x)dx=]f(t)dt.

a

Cau 8: Cho ham sb y =f ( ) lién tuc trén doan [a;b]. Ménh dé nao dudi day sai?

AI

dt.

'—x

a
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C

D. if I dx+f x)dx, Vce(ash).

Cau9: Giasa f 1a ham s6 lién tyc trén khoang K va a, b, ¢ 1a ba sb bat ky trén khoang K . Khang dinh

nao sau day sai?

Aj x)dx =1, B.jlf(x)dx:—jf(x)dx.

CI dx+I (x)dx :if(x)dx,CG(a;b).D.if(x)dx:if(t

a

)dt.

Cau 10: Cho hamsé y = f (x) lién tuc trén doan [a;b] . Ménh dé nao dudi day sai?

A.if(x)dx:-jf(x)dx. B. jf X) dx= j

a

C.if(x)dx if( dt Dj x)dx=0.

dx+I dx VcelR.

Cau 11: Cho F(x) la mot nguyén ham cua ham sd f (x) . Khi dé hiéu sé F (0)-F (1) bang
1 1 1 1
A. If(x)dx. B. I—F(x)dx. C. I—F(x)dx D. I f(
0 0 0 0
Cau 12: Cho hai tich phéan j x)dx=m va jg X)dx =n. Gia tri cta tich phan j[f x)]dx la:
A . m-n. B.n—-m. C. m+n. D. Khong thé xac dinh.

Cau 13: Tich phéan j x)dx dugc phan tich thanh:

b

Ajf +jfx)dej Ifx)dx
Cj I D. —If()+jf(x)dx

DANG 2: TICH PHAN CO BAN

o o
o

2
Cau 14: Tich phan I :jZX.dx co gia tri la:
1

A l=1 B.1=2 C.1=3

1
Cau 15: Tich phan | = j (x° +3x+2)dxco gi tri La:
-1

A l=1 B.1=2. C.1=3

22018

Cau 16: Tinhtichphan | = | %X
1

A. 1 =2018.In2-1. B. | =2%8, C. 1 =2018.In2.
1
Cau 17: Tinh I—I( +3\/_]dx
2X+1
A. 2+In+/3. B. 4+In3. C. 2+In3.

1
Tinh tich phan | :Ixz‘”g (1+x)dx
Cau 18: 0

D.1=4
D.1=4

C. 1 =2018,
D. 1+In+/3.
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1 1 1 1 1 1 1 1
=——~ 4+~ Bl=—+—, Cl=—+— D.l=—t—
2018 2019 2020 2021 2019 2020 2017 2018
b
Cau 19: Gidtrindo cia b dé [(2x-6)dx=07?
1
A.b=0hoic b=3. B.b=0hoicb=1 C.b=5hoicb=0. D.b=1hoic b=5.
Cau 20: C6 bao nhiéu i tri thyc ciia AD dé co [(2x+5)dx=a—4
0

A 1, B.O. C.2. D. V0 sb.
1
Cau 21: Tichphan | :J'(ax2 +bx)dx ¢6 gia tri 1a:
0

Al-2.0 B.1-2,02 c1-2,b D. 12,0
2" 3 33 272 372

2
Cau 22: Dbit | :j(me+1)dx (m latham s6 thyc). Tim m dé | =4
1
A m=-1, B.m=-2, C. m=1, D.m=2,
Cau 23: Tichphan | = j (iz+2x]dx c gia tri 1;
X
2

Al=-1_1 g B i=—>_tip2 c-2tip p-fllip
a

2 a 2 a 2 a 2
3x> khi0o<x<1

Cau 24: Chohamsb y=f (x):{4 Khi 1< x <2
—x khil<x<

2
. Tinh tich phan If X
0

AL B.1. c.2 D. 3.
2 2 2
. 3x* khi 0<x<1 2
cau2s: Chohamsé y=1(x)=1>" 0 == i [ 1
4—x khi 1<x<2
AL B.1. c.2 D. 3.
2 2 2
3 3 2 .
Cau 26: Cho [ f(x)dx=a, [ f(x)dx=b.Khidé | f(x)dx bing:
0 2 0
A. —a-b. B. b-a. C. a+b, D. a-b.

2
Cau 27: Cho a lasé thyc thoa man [a|< 2 va [(2x+1)dx =4. Gid trj biéu thirc 1+a® bang.

A. 0. B. 2. C. 1. D. 3.

1 -1
Cau 28: Cho gatri cia tich phan |, = j(X4 +2X3)dX:a, , = j(x +3X)dx b. Gid tri ctia E la:
-1 -2

AP B.P=12. c.p=-. D.P=—.
65 65 65 65

2
Cau 29: Tichphan I = [|x* - xjdx c6 gid tri Ia:
-1

A-|=§- B.|=1. C.I=—§. D.l=—=
2 6 2
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Céau 30:

Céau 31:

Céau 32:

Céau 33:

Céau 34:

Céau 35:

Céau 36:

Céau 37:

-1
Tich phan | = J'(Zax +=

-2

]dx co gia tri la:
X

Al1=-T2im2. BI-="2-l2. Cl=T2ih2. D I=-TX-h2

16 16 16

1 2
Biét tich phan 1, = [ 2xdx=a. Gid tri ctia 1, = [ (x* +2x)dx Ia:
0

a

A. |2=g B. |2=%. C. |2=%. D. |2=§.
Cho Jl'f( dx =3. Tinh tich phan |:j[2f(x)—1]dx.
A 9. 53  cs3 D. 5.
Cho ham f (x) c6 dao ham lién tuc trén [2;3] ddng thoi f(2)=2, f(3)=5. Tmhj X)dx bing

A. 3. B. 7. C.10 D. 3.
Cho ham sb f(x) co dao ham lién tuc trén doan [a;b] va f(a)=-2, f(b)=-4. Tinh

T:jf’(x)dx.

A.Ta:—6. B.T=2. C.T=6. D.T=-2.

Cho ham sb f (x) lién tuc trén [0;1] va f (1)- f (0)=2. Tinh tich phan Jl'f

A I =-1 B. I =1. C.l=2. DOI—O

Cho ham s6 y = f (x) thoa mén diéu kién f (1)=12, f'(x) lién tyc trén R va jf X)dx =17.

Khido f(4) bang
A. 5. B. 29. C. 19. D. 9.
Cho hamso f (x ) c6 dao ham lién tyc trén doan [-1;3] vathoaman f (-1)=4; f(3)=7.Giatri

cua | —ij dX bang

A. I=20. B. I =3. C. 1=10. D. I =15.
1
Cau 38: Cho hamsb f(x)=%+g+2,v<’yi a, b lacac sé hiru ti thoa didu kién [ f (x)dx =2-3In2. Tinh
2
T=a+b.
A T=-1. B.T=2. C.T=-2. D. T=0.
DANG 3: TICH PHAN HUU Ti CO BAN
1
Cau 39: Biét j 2X_52 dx=a+Inb voi a, b la cac s thuc. Ménh dé nio dudi day ding?
X+
3
A. abzi. B. a+b:l. C. abzg. D. a+b=i.
81 24 8 10
2 2
Cau 40: Biét !X):_ dx=a+Inb (a,beZ).Goi S=2a+b, gidtricua S thuoc khodng nao sau day ?
A. (8;10). B. (6:8). C. (46). D. (2;4).
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Cau 41: Nhan xét: Khong thé ding may tinh dé tinh ra két qua nhu trén ma ta chi c6 thé dung dé kiém tra
2
ma Tich phan | = j(—2+2x] dx co giatrila:
X

1

A.I:E. B.I:Z. C.I:g. D.I:E.
2 2 2 2
Cau 42: Tich phéan | :j(g+ij dx ,v6i a=0 co giatrila:
X a
2
A. |l =aln|a|+ a+1. B.l=alna+> 1,
2a 2a
a?— a?—
C. 1 :aln|a|+ D. | =alna+
2a 2a
¢ b
Cau 43: Tich phan | :J'(ax2+—]dx co gia tri la:
X
1
7 7
Al =§a—bln2. B.l=3a-biIn2. C. 1 =§a+bln2. D. | =3a+blIn2.
1
A o X 3 Cd s
Cau 44: Giatri cua tich phan | =Indx=a. Biéu thirc P =2a-1 c6 gia tri la:
+
0
A . P=1-In2. B.P=2-2In2. C. P=1-2In2. D.P=2-In2.
e’ 2
Cau 45: Gié trj cua tich phan | = | (M—H]dx:a. Bidu thic P =a—1 c6 gid tri 1a:
g X

A. P=e+1e2+1e4. B. P=—e+1e2+1e4.
2 2 2 2

4

C. P=—e—1e2+£e . D. P=e+1e2—1e4.
2 2 2 2

1
Céu 46: Tinh tich phén I:I 2dX :
5 X =9
A l=Smnt. B.l1=—2int. c.1=1m2. D. 1=In%2.
6 2 6 2 6
2
Cau 47: Gia sir j4dx aln5+blIn3; a,beQ . Tinh P=ab.
X +4x+3
A. P—8 B. P=-6. C.P=-4. D. P=-5,
Cau 48: Bict J.de an|x=1+b.In|x-2|+C, a,beZ. Tinh gia trj cia biéu thirc a+b.
A. a+b =1, B. a+b=5. C.a+b=-1. D. a+b=-5.
Cau 49: Bie tj 3X+2dx:aln7+bln3+c véia,b,ceZ.Tinh T =a+2b*+3c’.
> X2 —x+1
A T=4. B.T=6. C.T=3, D.T=5,
0 2
Cau 50: Guasul:j3x+_5;1d :a.ln§+b.Khidégiétria+2b|é1:
-1
A. 30. B. 40. C. 50. D. 60.

5
Cau 51 Biétr?mgj —~—dx=aln5+bIn2 (a, b eZ). Ménh d& nio sau dy ding?

A. a+2b=0. B. 2a-b=0.
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C.a-b=0, D. a+b=0,
3
Cau52: Néu jidx:alnsmlnmslnz (a,be Q) thigiatricia P=2a-b Ia
2x% —=3x+1
A P=1. B.P=7. C.Pz—E. D.PzE.
2 2
L e ox?
Cau 53: Biét rang Ix 1dX:a+Inb voi a, beZ, b>0. Héi gia tri 2a+b thudc khoang nao sau day?
+
0
A. (8;10). B. (6;8). C. (4;6). D. (2;4).
4
Cau 54: Biét | =IX2dXX=aIn2+bln3+cln5 v6i a,b,c la cac sb nguyén. Tinh S=a+b+c
+
3
A. S=6. B.S=2. C.S=-2. D. S=0.
Cau 55: Biét J’—:£+1 v6i a, b 1a cac s6 nguyén thuoc khoang (=7;3) thi a va b la nghi¢m
4x+1 a b
Cua phuong trinh nao sau day?
A 2x* —x-1=0. B. X*+4x-12=0. C.x*-5x+6=0. D.x*-9=0.
5,2
Cau56: Biét jx+—x+1dx=a+|n9 Vi a, b 1a céc sb nguyén. Tinh S =a—2b.
s X+1 2
A S=-2. B. S=5. C.S=2. D. S=10.
3
Cau 57: Bict IL:aln2+bln5+cln7, (a,b,c € Q). Giatri ciia biéu thirc 2a+3b—c bing
2 (X+2)(x+4)
A. 5. B. 4. C. 2. D. 3.
1
Céau 58: Cho J.(———]dx aln2+bIn3 véi a, b 1a céc s6 nguyén. Ménh dé nao dudi ddy ding ?
X+1 X+2
A a+b 2. B.a-2b=0. C.a+b=-2. D.a+2b=0,
CAu59: Bi tj SXt12 i aln2+bin5+cinG. Tinh S =3a+2b+c.
X’ +5x+6
A. 3. B. -14. C. 2. D. -11.

DANG 4: TICH PHAN HAM VO Ti CO BAN
2

Cau 60: Tinh tich phan | = [/4x+1 dx.
0

A 13. B. 13, C. 4. D. 4.
3 3
1
Cau 61: Biét rang 1:I(x+ X+1)dX:%+b\/E. Gia tri cua a—%b la:
0
A -1 B.-2 C.-3. D.-4.
2
1 .
Cau 62: Tich phan| = | ——=dx ban
P !2\/x+2 8
1 1
A l=1-—. B. 1=22. C.l=2-—. D. 1=2-42.
V2 2
1
dx .
Cau 63: Cho b——\/5+— a,beN"). Tinh a+2b,
J'\/x+2+\/x+1 ( )
A a+2b=7. B.a+2b=8. C.a+2b=-1. D.a+2b=5.
DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 37

Facebook: https://www.facebook.com/dongpay



ST&BS: Th.S Dang Viét Dong THPT Nho Quan A Nguyén Ham -Tich Phan va Ung Dung

X dX:a+b\/§
+/2x+1 9
A. T=-10. BT=-4. C.T=15. D.T=8.

1
Cau 64: Biét tich phan I V6i a, b 1acac s thyc. Tinhtong T =a+b.
S \3x+1

Cau 65: Tich phan | :Ix\/x+1dx co gia tri la:

0

2J(a+1)°  2y(a+1)’ ) ’
o 2@ 2f(ar)) 4 o @) 2@ 4
5 3 15 5 3 15
5 3 5 3
. IZZ\/(a+1) +2\/(a+1) 4 5 IZZ\/(a+1) ~2(a+]) 4
5 3 15 5 3 15
1
X .
Cau 66: Tich phan | = | ———=——dx cd gia tri la:
P J.\/x+1—1 X Jatn
A. I—4\/_ B. I—i—Z C. Iz%—l. D. I:¥+l.

DANG 5: TICH PHAN HAM LUONG GIAC CO BAN
Cau 67: Tinh tich phan [sin3xdx.
0

A -1 B 1 c. -2 D. 2
3 3 3 3
% T
Cau 68: Tinh tich phan | :Isin(z—xjdx.
0
A. |=%. B. I =-1, C.1=0. D.1=1.
3
Cau 69: Tich phan | = | I ping?
Y sin® x
4
A. cotZ —cotZ. B.cotZ+cot”.  C.-cotZ+cot™. D.-cot’—cot’.
3 4 3 4 3 4 3 4

3
Cau 70: Biét jcosxdx:a+bJ§ ,V6ia, b lacacsd hiruti. Tinh T =2a+6b.
3

A T=3. B.T=-1 C.T=-4. D.T=2.

3
Cau 71: Tich phan I :Isin xdx co gia tri la:
0
A l=1. B. 1=0. C.l=-1. D. Ca A, B, C déu sai.

b
Cau 72: CO6 bao nhiéu sb thuc b thudc khoang (7;3r) sao cho I4cos 2xdx =17

A. 8. B. 2. C. 4. D. 6.

O [N

Cau 73: Tichphan I = | (sinx—cosx)dx c6 gia tri la:

NN
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Al =1. B.1=2. C.l=-2. D. I =-1.

Cau 74: Tichphan I = | (sin2x—cos3x)dx c6 gia tri la:

§ =[N

N

A.I=E. B.I=§. C.l=—. D.l=—.
3 4 4 3

Cau 75: Két qua cua tich phan |(2x—1-sinx)dx duogc viét & dang a, b €Z. Khang dinh ndo sau day 1a

O N

sai?
A. a+2b=8. B.a+b=5. C. 2a-3b=2. D.a-b=2.

Cau 76: Cho tich phan

O [

(4x—1+cosx)dx:7r(£—%]+c, (a,b,CEQ). Tinh a—b+c

a
1
A. -3 B.1 C. 2, D. =.
3
g
Cau 77: Biét ~|‘(3+4sin2 x)dx =%—%, trong d6 a,b nguyén duong va % t6i gian. Tinh a+b+c.
0
A. 8. B. 16. C.12. D. 14.

3 3
Cau 78: Cho gid tri cua tich phan |, = j(sin 2x+cosx)dx=a, I, = j(c032x+sin x)dx=b. Gia tri cua a

+Db la:

A. P:%+\/§. B. P:%+—. C. P:%—\/§. D. P=2_-22,

Cau 79: Tichphéan | =

eV [N

(sinax+cosax)dx, voi a=0 co gid tri la:

|
NI

QD

NS NN NN

QD

o

I

2,

>
/—“\/—m\/—“\

D.l =—|-sinfa———|+sin|a—+—|].
a { 2 4 2 4

CAau 80: Chohamsé f (x

~—

b
=asin2x—bcos2x théa man f‘(%):—z va J'adx=3.Tinh tong a+b bang:
A. 3. B. 4. C. 5. D. 8.

0
Cau 81: Cho tich phan J' cos 2xcos4xdx = a+bv/3, trong d6 a, b 1 céc hing s6 hitu ti. Tinh €* +log, |b|

3
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A 2. B. -3. c.l. D. 0.
8
3
Cau 82: Tich phan 1 :J'(cosx—l)cos2 xdx co gia tri 1a:
0
Ar=Z_1 B 1-_%_2 ci=241 D.1=-%42
4 3 4 3 4 4

Cau 83: Cho | :I(sin 3X + cos? x)dx = (acos 3x +bxsin+csin ZX)‘OE. Gia tri cia 3a+2b+4c I:
0

A -1 B. 1. C.-2 D. 2.
DANG 6: TICH PHAN HAM MU - LOGARIT CO BAN

1
Cau 84: Tich phan je‘xdx bang
0

A e—1. B.11. oy D. L.
e e e
2018
Cau 85: Tichphan | = [ 2"dx bing
0
A 2781, B. 22018_1. C 2™ D. 2%
In2 " In2 ' '
4 ]_ 0 ]_ 4
~ N e T _ ::__ e e A _ 2X
Cau 86: Biét _jlf(x)dx_z Va. _jlf(x)dx_ - Tinh tich phan I_£[4e +2(x)]dx.
Al =268, B. | =4e°-2. C. | =4€°. D. | =2¢°—4.
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TICH PHAN DPOI BIEN SO

PHUONG PHAP TiCH PHAN POI BIEN SO DANG 1

Cho hamsé ¥ = f (X) lién tuc trén doan [a;b]. Gia st ham 6 u =u(x) c6 dao ham lién tuc trén doan
[a;b] VA a <u(x) < B. Gia sir c6 thé viét f(x)=gu(x)u'(x),xe[a;b], véi g lién tuc trén doan [«; B].

Khi do, ta co
u(b)

| =j)'f(x)dx= j g(u)du.

u(a)

Dau hiéu nhan biét va cach tinh tinh phan

Déu hi¢u C6 thé dat Vidy
3
. 3 x7dx
1 Co f(x t=4f(x I = .Pat t=+x+1
JF() NS [, o PRt
2 | Co6 (ax+h)" t=ax+b I :J:x(x+1)2°16dx.Dét t=x-1
getanx+3
3 Co af® t=1(x) I:J.“ -—dx. Dt t=tanx +3
0 cos” X
- jc bié ] e Inxdx
4| c6 ®vamyx | t=Inx hodc bitu thirc =2 Pitt=Inx+1
X chtra Inx 1 x(Inx+1)
£ X t=e* hodc biéu thirc I :JlnzeZX\ISeX +1dx. Pat t=+/3¢* +1
S Co e*dx . 0 '
chua e
6 C06 sin xdx t=cosx | :J'fsine’xcosxdx. Dit t =sinx
; . x sin®x g
7 CO cosxdx t = sin xdx | =| ————dx Pat t=2cosx+1
0 2cosx+1
. dx |=J'% L dx:J'%(lthan2 X) 1 i
8 Co 0 t=tanx 0 COS4 X 0 COS2 X
COS® X y
bat t=tanx
) dx k3 ecotx ecotx
9 Co t =cotx | =|4———dx= —dx. Dt t=cotx
sin? x J"g 1-c0s2x 2sin? x
BAI TAP

caut:  chohamss Y= F (%) tien tuc wren [2P] Gia srham sé Y=Y (%) c6 dao ham lien tuc wren (2]
va u(x)e[a,ﬁ] VXe[a,b]’h(m nita f (u) lién tuc trén doan [a,ﬁ].
Ménh dé nao sau day 1a dung? X =2
u(b b

b b )
A. j f [u(x)]u’(x)dx:j f (u)du. B. | i [u(x)]u'(x)dx=j f(u)du.

a (a a

c

u(b)

b ( b b

C. [flu()]u'(x)dx= [ f(u)du. D. [ £ u(x)Ju'(x)dx=[ f(x)du.
a u(a) a a

HAM PA THUC VA HAM HUU Ti

3
Cau2: Tinhtich phan I = [x(x-1)" dx
1
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| _ 20032 B | _ 1502.2"" C ~3005.2'°% D. | = 2003.2"
1003002 ' 501501 ' 1003002 ' 501501
2
Cau3: Tichphan [ —dx bing
o X +3
A.ilogz. B. Inz. C.ilnz. D.ilni.
2 73 3 2 3 2 7
1 5
Cau 4: Tich phan | :jisduqc két qua | =aln2-b. Gid tri atb la:
0 (1+ X2)
A2 g, 13 c. 14 D. —
16 16 17 17
1 2
Caus: Cho [—X—dx=1Ina,ala cacsé hiw ti. Gid trj clia a &
o X +1 3
A. 2. B. 3. C. 4. D. 5.
0
Cau 6: Tich phan | :j ?X dx,voi a=—-2 c0 giatri la:
Jaxt+2
A I:In2+ln|a+2|. B I:In2—ln|a+2|.
2 2
c IZ—InZ—In|a+2|. D IZ—In2+In|a+2|
2 2
HAM VO Ti

1
Cau7: Chotich phan [J1-xdx, véi cach dat t =31-X thi tich phan d cho bing véi tich phan nao
0
sau day?

A. 3J1'tdt. B. Jl'tSdt. C. 3jt2dt. D. 3jt3dt.
0 0 0 0

Cau 8: Trong cac tich phan sau, tich phan nao co6 cung gia tri voi | = Jf x3/x* —1dx

A. % th\/tTldt. B. J?tﬂdt C. jf(t2+1)t2dt. D. jf(x2+1)x2dx.

3 2
Cau9: Néu j;dx:j f(t)dt, voi t=+1+x thi f(t) 12 ham s6 nao trong cac ham sé dudi
o 1+1+X 1

day ?
A ft)=2t>+2t B. f(t)=t"—t C. f(t)=t"+t D. f(t)=2t"-2t
1
A . A dx :
Céau 10: Tich phan ban
P £\/3x+1 8
A.ﬁ. B.E. C.l. D.g.
3 2 3 3
4
A . Z 1 . .
Céu 11: Biét | = |——=———dx=a+bIn2védi a,b la so nguyén. Tinh S=a+b.
!x/2x+1—5 s
A. S=3. B. S=-3. C. S=5. D.S=T.
4
A . A dx 2 . >
Cau 12: Chotich phan | =|———==a+blIn= Vvdi a,beZ. Ménh dé nao sau day dung?
P £3+\/2x +1 3 ’ y cung
A. a-b=3. B.a-b=5. C. a+b=5. D. a+b=3.
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Cau 13: Biét j Xy X* +1dx = ( ) V6i a,b 1a cac sb nguyén duong. Ménh dé nao sau diy ding.

A.a_2b. B.a<b. C.a=b. D. a=3b.
1
Cau 14: Cho I =] dx=av2 +b. Gia tria.b 1a:
o VX +1
A -1 B.-2. C. 1 D. 2.
2 2
Cau15: Véi ab,ceR. Dt | = [V~ gx—a-In>. Gidtrj cta tinh abe 13
X c
A 3 B. —21/3 C. 23 D. —/3
N 3
Cau 16: Giatricua | = j \/7 dugc viét dudi dang phéan sb ti gian % (a, b 1a cac sb nguyén
1+Xx
dwong). Khi d6 gia trj ctia a—7b bang
A 2. B. 1. C. 0. D. -1.

3

N
iy X m
Céau 17: Cho biet dx=— voi — Ia mot phan sé tdi gian. Tinh m - 7n.
! 1+ x? n n

A. 0. B. 1. C. 2. D. 91.
HAM LUONG GIAC

Céu 18: Tlm khang dinh dung trong cac khang dinh sau

A. jsm 1-x dx jsmxdx B. jcos 1-x dx——jcosxdx.
£ X 2 X 2 )
C. Icos—dx:jcosxdx. D. jsm—dx:jsm Xdx .
0 2 0 0 2 0
3 .
Cau 19: Tinh tich phan 1 = [ 21X gy
5 COS™ X
A=, B.1=3, ci=F2 D.1=2.
2 2 3 20 4
3 b ‘
Cau 20: Cho | =Jsin2xtan xdx = Ina—g. Chon ménh dé dung:
0
A.a+b=4 B.a-b=2 C.ab=6 D.a"=4
Cau 21: Cho 1= j cos 2x dx = Lin3. Tim gid tri cua a la:
01+25|n2x 4
A.3 B.2 C. 4 D.6

z 1
Cau 22: Biét Ilzj(1+tan2x)dx:a va Izzj(x2+\/§)dx:(bx3+cx;] :
0 0

0

trictbaa+b+cla:

A. 1l B. 2. C.3. D. 0.
A . A 2 sin2x P
Céu 23: Tich phan | = [——""—dx c6 gia tri la:
5 COS X +C0S 3X

a va b 1a cac sd hiru ti. Gia
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Al I 2, \F 1 _— I 2 Inﬁ+1
' 2[ "2 ﬁ+1 ' 2[ "2 "2-1)
c (I2|f1) Dlzl(lnﬁulfl)
' Zf \/§+2 \/§+1 ' 2\/5 x/§—2 \/§+1

7!'

Cau 24: Xét tich phan | = J' SIN2X_ 4x . Néu dit t=+1+005X, khing dinh nao dudi day 13 ding?
> V1+cosx
2

NA V2
j‘”B““ j_4t3+4t dt. C.1=4f(-1)d. D. I :—4f(t2—1)dt.
72 2 1 '

Cau 25: Cho f 1a ham sd lién tuc thoaj x)dx=7. Tinh I_Icosxf sinx)dx.

Al B.9. C. 3. D. 7.

Cau 26: Cho hamsé f () lién tuc trén R va j x)dx =12,

-1

f (2cosx)sin xdx bang

w\a'—.w‘g’

A. -12. B.12. C. 6. D. -6.
HAM MU - LOGARIT

1
Cau 27: Cho I = [xe"dx. Biét rang I = ae

Al O B. 0. C. 2. D. 4.
Cau 28: Nguyén ham ctia f (x) =sin 2xe™" la
A sin?xe™**4+C. B _es;ni+c. C.e" +C. D. _es;nzx_l +C.
sin“x+1 sin“x-1
CAau 29: Biét ring j‘Semdx=%e2+%e+c (a,b,ceZ). Tinh T =a+g+%.
A T=6. B.T=09. C. T=10. D.T=5.

In12
Cau 30: Tich phan I = [ Ve* +4dx co gid tri 1&:

In5

A. 1 =2-In3+In5. B.1=2-2In3+2In5.
C.1=2-2In3+1In5. D.1=2-In3-2In5.
In6 X
Cau 31: Biét tich phan je—dx:a+bln2+cln3, voi @, b ¢ |3 cac s6 nguyén. Tinh
0 1+\/ex+3
T=a+b+c.
A T=-1. B.T=0. C.T=2. D.T=1.
CAu 32: Vi cach dbi bién u=+/1+3Inx thi tich phan dx tré thanh
P J‘x\/1+3 In x
2¢ 2¢ p 20 -1
I u? —1 B. —I(uz—l)du. C. Zj(uz—l)du. D. —I—du.
l 1 91 u
e
Cau 33: Tinh tich phan 1= | 1+3'“de bing cach dit t =+1+3InX , ménh d& nao dusi dy sai?

1
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2 2
2
A 1=28 B. lzgjtdt. C. |=3jt2dt. D. 1=
9 I 3 3 9
Céu 34: Tich phan I = [x(In®x+Inx)dx c6 gié tri la:
1
A | =-2e. B.l=-e. C. I =e. D. I =2e.
e 2
Cau 35: Tich phan | = [ 2N XL 66 gt 1a:
X
1
A oH2-2 g 1= H2+2, c1o22-2 D, 12242
3 3 3 3
Cau 36: Bie tj “3+Inxdx= a_:\/g,trongdé a, b c Jacécsénguyén duong va C<4. Tinh gi&tri
S—a+b+c_
A. S=13. B. $=28. C.5=25. D. S=16.

PHUONG PHAP TiCH PHAN POI BIEN SO DANG 2
Cho ham so f lién tuc va c6 dao ham trén doan [a;b]. Gia sir ham S0 x = ¢(t) c6 dao ham va lién

tuc trén doan [o; 8] sao cho g(a)=a,¢(8)=b va a<e(t)<b véi moi te[a; 8] Khi do:
b B

[ f09dx=[f (ot Ot

a (04

Mot s6 phwong phap d6i bién: Néu biéu thirc dudi ddu tich phan c6 dang

\/ﬁ x=|a|sint; te{—z;z}
a —X dét 2 2
|al T
Xx=—- te|-—=;=|\{0
VxP-a?. g5 sint 22 O

T

x=la|tant; te —E;—
Jx? +a? 2 2

\/m F
a—X hoic Va+X:dat x=a.cos2t

Luwu y: Chi nén sir dung phép dat ndy khi cac dau hiéu 1, 2, 3 di v6i x mii chan. Vi dy, dé tinh tich

A 3 XZdX N we aReq ok N L, N V3 X3dX ~ A Req oK
phéan | = j thi phai doi bién dang 2 con véi tich phan | =j thi nén doi bién dang
0 VX2 +1 O Ixt+1

1.
1
Cau 37: Biét rang J'\/4—x2dx:2?ﬂ+a. Khi d6 a bang:
1

A 2. B. 1. C. V3. D. 2.

Céu 38: Cho tich phan | dx ar ,avab la cac sb hiru ti. Gia tri cia a 1&:

o'—.m\H

A i B. C. D.
2

ol

1
T

OOII—‘
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3
Céu 39: Giatricua J\/Q —x%dx = %ﬂ' trong d6 a, beZ va % 1a phan sb téi gian. Tinh gid tri cta biéu
0

thirc T =ab.
A. T=35. B.T=24. C.T=12. D.T=36.
1
A 2.1k . . A dx 5
Cau 40: Doi bién x=2sint thi tich phan tré thanh
£\/4—x2
A Iqtdt B Iqtdt C %dt D j;dt
-t - Jut. 1T e
, \ a+\6 1 T , \/* I3
Cau 41: Biétrang ———————dx=— trongdd a, b 1acéc s6 nguyén duong va 4<a++/b <5.Tong
! J=X*+6x-5
a+b bang
A. 5. B. 7. C. 4. D. 6.
3
Cau 42: Tich phan I = [/(x-1)(3-x)dx c6 gid tri 1a:
:
PGS B 1% V3 ci-x 8 p.1-% V8
6 4 3 8 6 8 3 8
1
Cau 43: Tich phan | = [—*—dx co gitri Ia:
o X +1
Al1=Z. B.1=2. c.1==. D.1=2.
2 3 4 6
1
Cau 44: Khi déi bién x=+3tant, tich phan 1 = | f'xg tré thanh tich phan nao?
0 X"+
: : : :
A 1= adt. B |:j£dt C. 1= [ Aut. D. I = [t
0 0 3 0 Ot
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TICH PHAN TUNG PHAN
1. Pinh li

Néu u(x) va v(x) la cac ham sb c6 dao ham lién tuc trén [a;b] thi:

ju(x)v'(x)dx =(u()Vv(x))

b b b b b
—v(x)u'(x)dx Ha udv = —| vdu
. !() (x) y j Wi j

2. Phwong phap chung

e Budc I: Viét f(x)dx dudidang udv=uvdx bang cach chon mot phan thich hop cua f(x) lam
u(x) va phan con lai dv =v'(x)dx

e Budc 2: Tinh du=u'dx va v:jdv :Iv'(x)dx

b
b
e Buoc 3: Tinh jvu ‘(x)dx va uv
' a

* Cach dit u va dv trong phwong phap tich phan tirng phan.

bat u theo thir tu vu tién: b ) b b b ]
Loc-da-mi-luwong jP(x)e dx j P(x) In xdx J' P(x) cos xdx j e” cos xdx
u P(x) Inx P(x) e*

dv e*dx P(x)dx cosxdx cosxdx

Cht §: Nén chon u la phan ctia f (x) ma khi lay dao ham thi don gian, chon dv=v'dx 1a phan cta f(x)dx

14 vi phan mot ham sb da biét hodc c6 nguy@n ham dé tim.

BAI TAP
DANG 1:
2
Cau1: Tichphan I = [ xsinaxdx, a=0 co gia trj Ia:
3
A _Tt6-33 o w43-3y8 L 7+46+43y3 | m+3+3V3
6a 6a
4 , L
Cau 2: Biet J'(1+ x)cos 2xdx :l+% (a, b la cac so nguyén khac 0). Tinh gia tri ab.
a
0
A. ab=32. B.ab=2. C.ab=4. D. ab=12.
n vl .
Cau3: Tinh tich phan | = [x?cos2xdx biing cach gt | . Ménh d& nao dudi day dang?
0 dv = cos 2xdx
A 1 =Ly sin2x g—jxsinZde. B. I = xsin2x g—zjxsinZde.
2 0 2 0
C. 1=Lxsin2x g+zjxsin2xdx. D. | =2 xsin2x g+jxsin2xdx.
2 0 2 0

Cau 4:

6

6

2 2
Biét | :jxcos 2xdx = anJé+bjsin 2xdx, a va b 1a cac sb hitu ti. Gia tri cua % a:
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AL B. . c.-<. D. -
12 24 12 24

1
A =L N 1 . ;o A A \ A Y ,
Cau5: Biétrang Ixcostdx=Z(asm2+bc052+c) VOi a,b,c e Z . Ménh dé nao sau day la dung?
0
A. 2a+b+c=-1. B.a+2b+c=0. C.a-b+c=0. D. a+b+c=1.

_(X=2)C0S3X 1 6inax+C. TinhM —a+27b. Chon

Cau 6: Tinh nguyén ham| =J'(x—2)sin3xdx=
a

dap an dung:
A.6 B.14 C. 34 D. 22

Cau7: Tinh tich phan [x(x+sin x)dx=az® +br . Tinh tich ab:
0

A.3 B. 1 C.6 D. g
3 3
Cau8: Tichphan [(3x+2)cos® xdx bang
0
A. §7T2—7T. B. Sx%+7x. C. l712+7T. D. iﬂz—ﬂ.
4 4 4 4
Cau9: Tinh [x(1+cosx)dx. Két quala
0
71'2 71'2 71'2 71'2
A —-2. B. —+3. c.—-3. D. —+2.
2 3 3 2

T

3
Cau 10: Tinh tich phan [—-—dx =az +b. Phin nguyén cua tong a+b 142
0

COS™ X
A.0 B.-1 C.1 D. -2
1 2
Cau 11: Cho | :jxtanzxdx:%—ln%—% khi d6 tong a+b bing
0
A. 4 B.8 C.10 D.6
3
Céau 12: Tinh [(x+sin® x)cos xdx. Két qua la
0
AZi2 B X_2 c.Z_2 D.Z_2
2 3 2 3 3 3 2 3

Cau 13: Cho tich phan | = [ Vx.sinVxdx =az’ +b. Tinh A=a-b

Chon dap an dung:
A7 B. 10 C.6 D.2
DANG 2:

Cau 14: Cho [xe'dx=1(ac®). Tim a?
0

A. 0. B. 1. C. 2 D. €.

1
Cau 15: Cho | = j xe?dx = ae? +b (a,b 1a cac s6 hiru ty). Khi d6 téng a+b 14
0
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Céu 16:

Céau 17:

Céu 18:

Céau 19:

Céau 20:

Céau 21:

Céau 22:

Céau 23:

Céau 24:

Céau 25:

Céau 26:

A 0. B. C. 1 D.

N
N |-

1
Biét rang tich phan j(Zx +1)e*dx=a+be, tich ab bang:
0
A. 1. B. -1. C. -15. D. 20.

Tim asao cho | = [x.e? dx =4, chon dép én ding
0

Al B.0 C. 4 D.2
1

Cho tich phan | :J'(x+1)(eX —3) dx. Két qua tich phan ndy dang | =e—a. Pap an nio sau
0

day dang?
A-azg B.a:g C.a:g D.a:§
2 4 5 3
1
Tim m dé j(mx+1)e*dx:e?

0

A.0 B.-1 C.% D.1
DANG 3.

Cho | =jx|nxdx:a'ei+b véia,b,ceZ.TinhT=a+b+c.

A. 5. l B. 3. C. 4. D. 6.

1
Két qua ctia phép tinh tich phan j In(2x+1)dx dugc biéu dién dang a.In3+b, khi d6 gid tri
0

Clia tich ab® bang

A. 3. B. E C.1 D. ——.
2 2

2

Biét tich phan j(4x—1)|n xdx=aln2+b voi @, beZ Téng 22+b ping
1

A.5. B. 8. C. A(L-21) D. 13.

Tinh tich phan | :J‘:(x2 —1)In xdXx.

A |:2In2+6. B.|:6In2+2. C |:2In2—6. D. |:6In2—2.
9 9 9
Két qua tich phan j02(2x+ln(x+1))dx:3In3+b. Giatri 3+b la:
A. 3 B. 4 C.5 D.7
Biét [ "X dx—ave+b véi abeZ. Tinh P=ab.
L Vx
A. P=4, B. P=-8. C.P=-4. D. P=8.

1

Cho biét tich phan | :j(x+2)ln(x +1)dx=aln 2+_F7 trong d6 a, b 1a cac s6 nguyén duong.
0

Tim ménh dé ding trong cac ménh dé sau:

A a=D. B.a<b. C.a>b. D. a=b+3.
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Céau 27: Cho tich phan | :J.(x+ljln xdx = ae? +b, a va b 1a cac s6 hiru ti. Gia tri ciia 2a—3b Ia:

1 X
AL B. 12 c.-B p. -1
2 4 4 2
2
Gia sir [N gy ain?24bIn2, véi a,b 1a céc sé hiru ty. Khi dé ta b
CAau 28: IaSuI < X=aln“2+bIn2, vo1 a,b la cac s6 htru ty. Khi do6 tong 4a+b bang.
1
A 3 B.5 C. 7. D. 9.
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UNG DUNG DIEN TICH
1. Dién tich hinh phiang
a)Dién tich hinh phéng gi6i han boi db thi ham s6 y = f (X) lién tuc trén doan [a;b], truc hoanh va hai
b
duong thaing X=2a, X=b dugc xac dinh: S = _H f (X)| dx
a

YA

y=f(x) 3
y=0 S =[] £ (x)|dx
X=a 2
X=b

b)Dién tich hinh phiang giéi han bai d6 thi ham sé y = f(x), y = g(x) lién tuc trén doan [a;b] va hai

(H)

b
duong thaing X=a, X=b dugc xac dinh: S :f|f(x)—g(x)|dx
y
/ (C):y=f(x)
(C,):y=f,(x)
X=a
X=h

(H)

S = i| f,(x) = f,(x)|dx

Cha y:

b b
- Néu trén doan [a;b], ham s f (x) khong déi déu thi: [|f(x)|dx=|[ f (x)dx
a a

- Ném vitng cach tinh tich phan ctia ham s6 ¢6 chira gié tri tuyét doi
- Dién tich ctia hinh phang gi6i han béi cac duong x=g(y), X=h(y) va hai duong thing y=c, y=d

d
dugc xac dinh: S = _Hg(y) - h(y)| dy

DIEN TICH HINH PHANG PUQC GIG1 HAN BOI CAC PO THI
PHUONG PHAP: ’ 7
Trwong hop 1. Cho hai ham so f(x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gidi han bai cac

duong y=f(x), y=9(x), x=a, x=b la S=T|f(x)—g(x)|dx.

Phwong phap giai toan
+) Giai phuong trinh f(x) = g(x) (1)
b

J(F()-g(x))dx

a

+) Néu (1) vo nghiém thi S =

+) Néu (1) c¢6 nghiém thudc. [a;b]. gia st  thi S= +

[(f(9)-9(x))dx

J'(f(x)—g(x))dx

Chu y: C6 thé lap bang xét ddu ham s f(X) - g(X) trén doan [a; b] rdi dua vao bang xét dau dé tinh
tich phéan.
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Truwong hop 2. Cho hai ham s6 f(x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gi6i han béi cac
B
dudng y=f(x), y=9(x) 1a S =[|f(x)-g(x)|dx. Trong d6 @, B la nghiém nho nhit va I6n nhét cta

phuong trinh f(x)=g(x) (a<a<p<b).
Phuwong phap giai toan
Buée 1. Giai phuwong trinh f(X) = g(x) tim cac giatri «,f .

B
Buéce 2. Tinh S = .|'| f(x)- g(X)|dX nhu truong hop 1.

BAI TAP

DANG 1: TINH DIEN TiCH HINH PHANG GIO1 HAN BOI PO THI HAM SO y = f (x), TRUC

HOANH VA HAI PUONG THANG x=a,x=b(a<b)

Cau 1: Viét cong thic tinh dién tich hinh phang dugc gii han bi d6 thi ham sé y = f (x), truc Ox va cac
duong thang x=a,x=b (a<b).

A. ﬂf(x)‘dx. B. Jb'fz(x)dx. C. Jb'f(x)dx. D. ﬂj'f x) dx

a
CAau 2: Cho hams6 y = f (x) lién tuc trén R va c6 d thi nhu hinh v& bén. Hinh phing duge danh dau
trong hinh vé bén c6 dién tich la

y

\b
a/ o\/c X
Aif jf )dx. Bj dx+j
C. if dx+j Dif dxj

Cau 3: Cho hamsé f (x) lién tyc trén R, co d6 thi nhu hinh vé. Goi S la dién tich hinh phang duoc giéi
han boi dd thi ham so (), truc hoanh va truc tung. Khing dinh nao sau day diing?

y
c dY X
y="1(x)

d 0 d 0
A. S :jf(x)dx—jf(x)dx. B.S :—jf(x)dx—jf(x)dx.

Cd i 0 dC Od
C.S:—jf(x)dx+ff(x)dx. D.S:jf(x)dx+jf Xx)dx

c d c d
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Cau 4: Dién tich cua hinh phang (H) dugc gii han boi dd thi ham s6 y = f (X), truc hoanh va hai dudng

thaing x=a, x=b (a<b) (phan t6 dam trong hinh v&) tinh theo cong thirc:
¥y

A. S:if(x)dx. B. S:—jf(x)dx+if(x)dx.

a

C.S=

D. S :j f (x)dx+if(x)dx.

Cau 5: Cho hamsb y = f (x) lién tuc trén R va co do thi (C) 1a duwong cong nhu hinh bén. Dién tich hinh
phing gi6i han béi do thi (C), truc hoanh va hai dudng thang x=0, x=2 (phan t6 den) 1a

y
3
0 2| X
-2
A. ij(x)dx. B. —J.Olf(x)dx+J'l2 f(x)dx.
C. D (x)dx—[f (x)ax. D. Iozf(x)dx‘.
CAu 6: Goi S 1a dién tich mién hinh phang dugc t6 dam trong hinh vé& bén. Cong thirc tinh S 1a
y
y="f(x)

/—1 O| IN_—_—" X

1 2 1 2
A.S =I f (x)dx+If(x)dx. B.S =I f (x)dx—J‘ f(x)dx.
—21 1 , -1 1
C.S=[f(x)dx. D. $=-[ f (x)dx.
-1 -1
Cau 7: Dién tich hinh phiang dugc gidi han boi d6 thi ham sb y = x°* —3x?, truc hoanh va hai duong thing
x=1, x=4 la
A2 B. 2L c.® D. 2
4 4 4 2
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Cau 8: Dién tich hinh phing duoc giéi han bai dd thi ham sé y = X_+; truc hoanh va duong thing x =2 1a

X +
A. 3+2In2 B.3-In2 C.3-2In2 D. 3+In2
Cau 9: Dién tich hinh phang giéi han béi d6 thi ham s y = cos x, truc tung, truc hoanh va dudng thang
X = bang
A. 3. B. 2. C. 4. D. 1.

Cau 10: Tinh dién tich S cua hinh phing gi6i han bai d6 thi hAm s6 y = e* + e, truc hoanh, tryc tung va
duong thang x = —2.
e +1 e' -1 e’ -1 e* -1

A. S =-—"(dvdt). B.S= - (dvdt). C.S= (dvdt). D. S =———=(dvdt).
e e e
Cau 11: Dién tich S cua hinh phing gi6i han bai db thi hdm sb y = x*, truc hodnh Ox , cac dudng thing
x=1, x=2 la
7 8
A S=—. B.S=—. C.S="7. D. S=8.
3 3
Cau 12: Cho parabol (P) c6 d6 thi nhu hinh Ve:
y
1)
\1 2 /3
Tinh dién tich hinh phang gi¢i han boi (P) véi truc hoanh.
A 4. B. 2. C.g. D.i.
3 3
Cau 13: Dién tich S hinh phdng gi6i han bi cac dudong Y = X° +2X+1, truc hodnh, x=1va x=2 Ia
A.S:E. B.S:4—9. C.Szé. D.Szﬁ.
4 4 4 4
Cau 14: Dién tich hinh phang gii han boi d6 thi ham s6 y = —x* +4, dudng thang x = 3, truc tung va truc
hoanh la
A2 B. %2 c. 2 p. 2
3 7 3 3 3
Cau 15: Dién tich hinh phang gidi han boi duong cong y = xIn X, truc hoanh va duong thang x=e la
2 2 2 2
A.el B.e+1 C.el D.e+1
2 2 4 4
Cau 16: Dién tich cua hinh phang gidi han boi do thi ham s y = L X, truc hoanh va dudng thing x =e
X
bang
A.i. B. 1. C.i. D. 2.
2 4
Cau 17: Hinh phang gidi han boi cac dudng y = x> =1, x=3 va Ox c6 dién tich 1a
A 8. B. 4. c. 18 p. 20,
3 3 3
Cau 18: Cho hinh phing H gi6i han béi céc dudng y=~/x; y=0; x=4. Diéntich S cta hinh phing H
bang
A.S=E. B. S=3. C.S=E. D.S=£.
3 4 3
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Cau 19: Cho hinh phang (H ) nhu hinh v&. Tinh dién tich hinh phang (H ).
r N .l‘ l
";i;:?
/4

.
31

o=

&Y

X

L B

o+ I

A.gln3—2. B. 1. C.gln3—§. D.gln3+2.
2 2 2 2
Cau 20: Tinh dién tich mién hinh phing gii han béi cac duong y=X*—2X, y=0, x=-10, x=10.
A.S=¥. B. S = 2008. C.S:%?S. D. 2000.

DANG 2: DIEN TICH HINH PHANG GIO1 HAN BOI CAC PUONG y = f(x), y=g(x), x=a, x=b

Cau 21: Chohamsb y = f(x), y=g(x) liéntuc trén [a;b]. Goi (H) la hinh gi6i han béi hai do thi
y="f(x), y=g(x) vacéc duong thing x=a, x=b. Dién tich hinh (H) duoc tinh theo cong
thac:

A S, :jl‘f(x)‘dx—hg(x)‘dx. B. S, = ‘f(x)—g(x)‘dx.

C.S, = . D. S, =

D C— T D C— T

I[f(x)—g(x)]dx [ f(x)-g(x)]dx.

Cau 22: Cho hinh phang (H) gi6i han béi do thi ciia hai ham s6 f,(x) va f,(x) lién tuc trén doan [a; b]
va hai dudng thang x =a, x=Db (tham khao hinh v& du6i). Cong thirc tinh dién tich cta hinh
(H) la

y

A.S :j"fl(x)— fz(x)‘dx.

C.S :i\fl(x)Jr f, (x)[dx.

Cau 23: Cho hamsb f (x) lién tuc trén [12]. Goi (D) Ia hinh phang gi6i han béi cac d6 thi ham s6
y="f(x), y=0, x=1 va x=2. Cong thirc tinh dién tich S cta (D) la cdng thirc ndo trong cic
cong thirc dudi day?

2 2 2 2
A.Szjf(x)dx. B.Szjfz(x)dx. C.Szﬂf(x)‘dx. D.Sznjfz(x)dx.

1 1 1 1
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Cau 24: Tinh dién tich hinh phang tao thanh boi parabol y = x?, dudng thang y = —x +2 va truc hoanh trén
doan [0;2] (phén gach soc trong hinh V&)

¥

0 1 2\
7

A S B. c. 2 D. .
5 3 6

Cau 25: Hinh phang (H) duoc gidi han bai do thi hai ham s6 y = X* +X—2, Y = X+ 2 va hai dudng thing
X = -2; x =3. Dién tich cua (H) bang

3

oo

A Y B. ¥ c.¥ p. ¥
5 4 3 5
A S Ak o pae 4 X +A4x=4 e
Cau 26: Hinh phang gi¢i han boi do thi ham so (C):y = 1 tiém can xiém cta (C) va hai dudng
X_

thang x=0,x=a (a<0) co dién tich bang 5 Khi d6 a bang
A l-¢° B.1+e° C.1+2¢° D. 1-2¢°
Cau 27: Diéntich S cua hinh phang gidi han boi do thi cac hAm sé y = x va y =€, truc tung va dudng
thang x =1 duoc tinh theo cong thirc:

efo Bs-feone Cs-f(relec D.S-]
0 0 >

ex—x‘dx.

1
A.S:j
0

DANG 3:DIEN TIiCH HINH PHANG GIGI HAN BOI CAC PUONG y = f(x), y = g(X)

Cau 28: Dién tich hinh phang duoc gidi han bai parabol y =2—x* va duong thing y = —x la
AL B 2 C.3 p. 2
2 4 2
Cau 29: Dién tich hinh phang gi6i han bdi cac d6 thi ctia cac hamsd y = x? va y = x la:
AL B. L. c.2 D. 1.
6 6 6 6
Cau 30: Dién tich hinh phing dugc gi6i han bdi hai @b thi hamsé y=+/x va y=%/x 1a
L B. L c.t D. -
12 13 14 15
Cau 31: Tinh dién tich S ctia hinh phang gi¢i han boi (P):y = x* — 4, tiép tuyén cta (P) tai M (2;0) va
truc Oy la
As=2 B.S=2. c.s=8 D.s=_.
3 3 3

Cau 32: Tinh dién tich hinh phing gi6i han boi cac dudng y=X*, y = —%X +§ va truc hoanh.

A B. & c. 343 p. 3%
6 3 162 2
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Cau 33: Cho (H) la hinh phang gi6i han bdi do thi ham s6 y =In(x+1), dudng thang y =1 va truc tung
(phan t6 dam trong hinh v&).

Y
y=In{x+1)
'N
0 "y
Dién tich ctia (H ) bing
A e-2. B. e-1. C. 1 D.In2.
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UNG DUNG THE TICH

1) Thé tich vat thé: 7
Goi B la phan vat thé giGi han boi hai mat phang vudng gdc véi truc Ox tai cac diémavab; S(X) la

dién tich thiét dién ctia vat thé b cit boi mat phang vudng goc véi truc Ox tai diém X, (a < x<b). Gia st
S(x) 1a ham sb lién tuc trén doan [a;b].

\~
V) :
_____ :15_6_; \ :!S(x)dx

508 e

b
Khi do, thé tich cua vat thé B duoc xac dinh: V = ['S(x)dx
a

-~

2) Thé tich khoi tron xoay:
Thé tich khoi tron xoay dugc sinh ra khi quay hinh phang giGi han boi cac duong y = f(X), truc hoanh va

hai duong thing Xx=a, Xx=b quanh tryc Ox:

A
\ (©):y=1f(x)
! | 0x):y=0 p 2
! |{\'\ ( —
o & L BUX |x=a v ”![f(x)] dX
“\ W’/ x=b

Chuy:
- Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang gidi han boi cac dudng x = g(Yy), truc hoanh
va hai dudng thang y=c, y=d quanh truc Oy:

YA
£=227 d._. (C) X= g(y)
' (Oy):x=0 4
\ vV, =n[[g(y)] dy
I y=¢ c
=T c- _ y= d
[9) “X

- Thé tich khéi trdn xoay duoc sinh ra khi quay hinh phang gi6i han béi cac duong y = f(x), y=g(x)
va hai duong thing x=a, Xx=b quanh truc Ox:
b
V=zf|2(x)-g°(x)|dx
a

3) Thé tich giéi han béi cac do thi (tron xoay)
PHUONG PHAP:
. Tinh thé tich khoi tron xoay:
Truwong hop 1. Thé tich khi trdn xoay do hinh phing gi6i han boi cac dudng y = f(x), y=0, x=a va

b
x=b (a<b) quay quanh truc Ox 13 V = ﬂj f2(x)dx .
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Truwong hop 2. Thé tich khi trdn xoay do hinh phang gi6i han boi cac dudng y = f(x), y=g(x), x=a

b
va x=b (a<b) quay quanh truc Ox 13 V :ﬂ”fz(x)—gz(x)‘dx.

BAI TAP
DANG 1: TINH THE TiCH VAT THE TRON XOAY SINH BOI MIEN (D) GIGI HAN BOI
y="f(x); y=0 VA x=a,x=b KHI QUAY QUANH TRUC Ox.

Caul: Chohamsé y=f(x) lién tyc trén doan [a;b]. Goi D Ia hinh phing gii han béi do thi ham s6
y= f(X), truc hoanh va hai duong thing x=a, x=b (a<b). Thé tich khéi tron xoay tao thanh
khi quay D quanh truc hoanh dugc tinh theo cong thirc.

b b b b
AV=r[f?(x)dx.  B.V=2x[f’(x)dx. C.V=x’[f*(x)dx. D.V=z’[f(x)dx.

Cau2: Chohamsé y=f(x) lién tuc va cé do thi nhu hinh bén. Goi D 1a hinh phang gi6i han béi d thi
ham sb da cho va truc Ox . Quay hinh phang D quanh truc Ox ta duoc khdi tron xoay cd thé tich
V' duogc xac dinh theo cong thirc

o INL/3 X

AV =nj[f(x)]2dx. B.V =%T[f(x)]2dx.

1

C.szrif[f(x)]zdx. DV = [[ 1 ()] dx.

1
Cau 3:  Cho hinh phing (H) giéi han boi dd thi ham sb y =—x’+3X—2, truc hoanh va hai dudng thing
x=1, x=2.Quay (H) xung quanh truc hoanh dugc khdi trdn xoay c6 thé tich 1a

A.V=j‘x2—3x+2‘dx. B.V=T‘x2—3x+2‘2dx.
1 1
C.VZET(XZ—SX-FZ)ZC]X. D.V=nj‘x2—3x+2‘dx.
1 1

Cau4: Chohamsd y=r" c6 do thi (C). Goi D la hinh phang gidi han boi (C), truc hoanh va hai
duong thang x =2, x=3. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc hoanh
duoc tinh bdi cong thue:

2 3 3 3
A.V :ﬂjﬂzde. B.V =7T3J‘7TXdX. C.V =ﬂjﬂzxdx. D.V ZEZIﬂXdX.
3 2 2 2

Cau5:  Thé tich khdi tron xoay do hinh phing gi6i han béi cac duong y =~/X , truc OX va hai duong
thang x =1; x =4 khi quay quanh truc hoanh duoc tinh boi cong thirc nao?

4 4 4 4
A.Vznjxdx. B.Vzﬂﬁ‘dx. C.Vznzjxdx. D.Vznjﬁdx.
1 1 1 1
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Cau 6: Cho hinh phang (H) giéi han boi cac dudng y = X* —2X, truc hoanh, truc tung, duong thang x=1.
Tinh thé tich V hinh tron xoay sinh ra bai (H) khi quay (H) quanh truc Ox.

_8z B.v=27 c.v=7 D.V:%T

AV =
15 3 8

2 2
Cau 7:  Trong he truc toa d Oxy cho elip (E) c6 phuong trinh ;—5+y?:1. Hinh phang (H) gi¢i han

bdi nira elip nim trén truc hoanh va truc hoanh. Quay hinh (H) xung quanh truc Ox ta dugc

khi tron xoay, tinh thé tich khéi tron xoay do:

AV =607, B. 307 c 188 p. 1416

25 25

Cau 8: Cho hinh phang D gi6i han bai dudng cong Yy =€*, truc hoanh va cac dudng thing x=0, x =1.
Khbi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?

2 _ (e +1 (e’ -1 2
e 1 B.V:Q. C.Vzg. D. 2%
2 2 2 " @
DANG 2: TINH THE TICH VAT THE TRON XOAY KHI CHO HINH PHANG GIOI HAN BOI:
y=f(x)VA y=g(x) QUAY QUANH TRUC Ox.

AV =

Cau 9:  Cho hinh phang trong hinh (phan t6 ddm) quay quanh truc hoanh. Thé tich cua khéi trdn xoay tao
thanh dugc tinh theo cong thirc nao?

Yy f.(x)
f,(x)
o] a b X
AV :J;[flz(x)— fzz(x)}dx. B.V :ﬂl[ff(x)— fzz(x)}dx.
C.V :ﬂi[f;(x)_ 7 (x)]dx. D.V :ﬂi[fl(x)_ f,(x)] dx.

Cau 10: Cho hinh phing (D) dugc gi6i han béi cic dudng x=0, x=1, y=0 va y =v2x+1. Thé tich
V' ciia khdi trdn xoay tao thanh khi quay (D) xung quanh truc Ox duoc tinh theo cong thirc?

1 1 1 1
AV =nf[J2x+ldx.  B.V=rn[(2x+1)dx. C.V=[(2x+1)dx.  D.V =[2x+1dx.
0 0 0 0
Cau 11: Cho hinh phiang (D) duoc gi6i han béi cac dudng X=0, x=7, y=0 va y=-sinx. Thé tich V
cuia khéi tron xoay tao thanh khi quay (D) xung quanh truc Ox duogc tinh theo cong thire

AV :ﬂ]'|sin x|dx. B.V :;r]z'sin2 xdx .
0 0

C.V=r

I(—sin x)dx|. D.V :J'sin2 xdx .
0 0
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Cau 12: Thé tich khdi tron xoay tao thanh khi quay hinh phang giéi han bai cac duong y=xe*, y =0,
x=0, x=1 xung quanh truc Ox la

1 1 1 1
AV :szezxdx. B.V ZﬂjXEXdX. C.V = ﬂj x2e?*dx . D.V :ﬂj' x%e*dx.
0 0 0 0

Cau 13: Cho hinh phang (H) gi6i han boi cac duong y=x?y=0; x=2. Tinhthé tich V cua khéi tron
xoay thu dugc khi quay (H) quanh truc Ox.

A.V:§. B.V:g. C.V:8—ﬂ. D.?’Z—ﬂ
3 5 3 5
Cau 14: Thé tich khdi tron xoay khi quay hinh phang (H) giéi han bdi y =x* va y = x+2 quanh truc
Ox la
2r 2r 81r 81r
A, ——= (dvtt). B. ——= (dvtt). C. — (dvtt). D. — (dvtt).
10 (dvtt) c (dvtt) 10 (dvtt) c (dvtt)

Cau 15: Thé tich khdi tron xoay tao thanh khi quay hinh phang gi¢i han boi do thi ham sé y = e* va céac
duong thang y =0, x=0 va x =1 dugc tinh boi cong thirc ndo sau day?

AV :je“dx. B.V :ﬂjexzdx. C.V :je*zdx. D.V :nje“dx.
0 0 0 0

Cau 16: Tim cdng thirc tinh thé tich ctia khoi tron xoay khi cho hinh phang giéi han bai parabol
(P):y=x? va duong thang d :y =2x quay xung quanh truc OX .

A. 71J2'(x2 —2x)2 dx . B. ﬂj4X2dX—7Tj. x*dx .
0 0 0

C. ﬂj4X2dX+7Tj.X4dX. D. x (Zx—xz)dx.
0 0

Oy N

Cau 17: Thé tich vat thé trdn xoay khi quay hinh phang gi¢i han boi cac duong y =1— x>, y=0 quanh truc
Ox ¢6 két qui dang %” Khi d6 a+b 6 két qua 1a:
A 11 B. 17 C.31 D. 25
Cau 18: Cho hinh (H) gi6i han bai truc hoanh, do thi clia mot Parabol va mot duong thang tiép xtic véi

Parabol d¢ tai diém A(2;4), nhu hinh v& bén. Thé tich vat thé tron xoay tao béi khi hinh (H)
quay quanh truc OXx béng

y
4 __________
2} i
o) /1 2 X
A 17 B. 327 c. 2= D. 22%.
15 5 3 5
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Cau 19: Cho hinh thang cong (H ) gi¢i han béi cac duong y=€*, y=0, x=-1, x=1. Thé tich vt thé
tron xoay dugc tao ra khi cho hinh (H) quay quanh truc hoanh béng

ez_e—zl B_w_ C. e4”_ D_w_
2 2 2 2

Cau 20: Thé tich vat thé tron xoay khi quay hinh phing gi¢i han boi y=1-x*, y =0 quanh truc Ox 14
v =a—;‘ v6i a, b 1a s nguyén. Khidé a+b bing
A. 11. B.17. C. 31. D. 25.

Cau 21: Tinh thé tich cua khdi tron xoay khi quay hinh phing giéi han boi cac duong Y =X* —4,
y=2x—-4, x=0, x=2 quanh tryc Ox.
A 321 B. 327 c. 32m. 22m
5 7 15 5
Cau 22: Cho hinh phang (H ) gisi han bsi d6 thi hamsé y =1 vacac duong thang y =0, x=1, x=4.
X

Theé tich V' cua khéi tron xoay sinh ra khi cho hinh phang (H ) quay quanh truc OX .

A 2In2. B, 3" C.%—l. D. 2In2.

4
Cau 23: Tinhthé tich V cua vat thé tron xoay sinh ra khi cho hinh phang gigi han boi cac duong y = 1,
X

y=0, x=1, x=a, (a>1) quay xung quanh truc OX .

av=[1-3] sv—(1-2)r. cv-(ul)n  bv-(ni]
a a a a

Cau 24: Cho hinh phing (H ) gi6i han boi cdc dudong y =X, y = 2x. Thé tich caa khdi tron xoay duge
tao thanh khi quay (H) xung quanh truc Ox biang:

A 327 B. %47 c. 2z p. 167
15 15 15 15
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NGUYEN HAM
A - KIEN THUC CHUNG
1- Nguyén ham
Dinh nghia: Cho ham so f (x) xac dinh trén K (K Ia khodng, doan hay nira khoang). Ham s6 F (x) duoc
goi 1a nguyén ham cia ham sé f (x) trén K néu F'(x)= f (x) véimoi xe K .
Dinh li:
+ Néu F(x) 1a mot nguyén ham cua ham s f (x) trén K thi véi mdi hang so6 C , ham s6
G(x)=F(x)+C ciing 1a mot nguyén ham cua f (x) trén K.
+Néu F(x) a mot nguyén ham ciia ham so f (x) trén K thi moi nguyén ham ciia f (x) trén K déu cé
dang F(x)+C, véi C la mot hang sé.
Do d6 F(x)+C,CeR laho tit ca cic nguydn ham cia f (x) trén K. Ky hi¢u J. f(x)dx=F(x)+C.
+ Tinh chit ciia nguyén ham
Tinh chd I: (jf(x)dx) = f(x) va [ f'(x)dx=f(x)+C
Tinh char 2: J.kf X)dx = kJ. dX voi k la hang s6 khac 0.
Tinh chat 3: J.[f )£9(x)]dx = J. dx+J.g

2 - Sy ton tai ciia nguyén ham
Dinh li: Moi ham s f (x) lién tuc trén K déu c6 nguyén ham trén K.
3 - Bang nguyén ham ciia mét s6 ham sé so' cap

o L Nguyén ham ciia ham s6 hep
Nguyén ham ctia ham so so cap (u .y (X))

J'dx=x+C J.du=u+C

a 1 a+l _ a 1 a+l _
jx dx_a+1x +C(a=-1) ju du—a+1u +C(a=-1)
j—dx:ln|x|+C j—du:ln|u|+C

X u

1 1 1 1
j?dX:—;+C ju—zdu:—a+C
J.exdx=eX+C J.e“du=e“+C
jadx—lna (a>0,a#1) jadu—lna (a>0,a#1)
J'sinxdx=—cosx+C Isinudu=—cosu+C
J.cosxdx=sinx+C Icosudu=sinu+C
[——dx=tanx+C | du=tanu+C

COS” X cos? u
j_z dx =—cotx+C j du=-cotu+C

sin® x sin‘u

4 — Bang nguyén ham mé rong
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J'd(ax+b):§(ax+b)+c

kx
jekxdx =eT+C

1
ax+b )"
+C,aa#-1

a+l

j(ax+b)“ dx :1(
a

jcos(ax+b)dx =§sin(ax+b) +C

dx 1
J' —ZInlax+b|+c +c
ax+b a

jsin(ax+b)dx :_;1cos(ax+b)+c

jeax+b dX :leax+b +C
a

jtg(ax+b)dx :—§In|cos(ax+b)|+c

Iapm dx =Lap*+OI +C

jcotg(ax+b)dx :élnlsin(ax+b)|+c

plna
jazdj(xz :éarctggm I%z%lcotg(ax+b)+c
jazdj(xzzzal Z+§ I%zétg(ambhc
B - BAI TAP

HUONG DAN GIAL

DANG 1: CAC CAU HOI LI THUYET

Cau 1: Trong cac khiang dinh dudi day, c6 bao nhiéu khang dinh dung?
(1): Moi ham s6 lién tuc trén [a;b] déu c6 dao ham trén [a;b].

(2): Moi ham s6 lién tuc trén [a;b] déu c6 nguyén ham trén [a;b].

(3): Moi ham s6 dao ham trén [a;b] déu c6 nguyén ham trén [a;b].

(4): Moi ham sb lién tuc trén [a;b] déu c6 gid tri 16n nhat va gi tri nho nhat trén [a;b].

A 2. B. 3.

Chon B

C. 1L D. 4.

Huéng din giai

Khang dinh (1): Sai, vi ham s6 y =|x| lién tyc trén [-11] nhung khong c6 dao ham tai x =0 nén

khéng thé c6 dao ham trén [-11]

Khang dinh (2): dng vi moi ham s lién tuc trén [a;b] déu c6 nguyén ham trén [a;b].

Khang dinh (3): Dung vi moi ham s6 c6 dao ham trén [a;b] thi déu lién tuc trén [a;b] nén déu c6

nguyén ham trén [a;b].

Khang dinh (4): Ding vi moi ham s6 lién tuc trén [a;b] déu c6 gid tri 16n nhat va gia tri nho nhat

trén [a;b].

Cau2: Chohaihamso f(x), g(x) lién tuc trén R. Trong cac ménh dé sau, ménh dé nao sai?

A.J.[f( )+9(x)]dx = J. (x dx+J.gx
B. I[f( . ]dx=‘|. dx.jg(x)dx
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C. J.[f(x (x) Jax = J. X)dx — Jg
D. [Kf (x) dx_kJ. (k;tO,keR).
Huéng din giai

Chon B

Cau3: Cho f(x), g(x) lacac ham so xac dinh va lién tuc trén R . Trong cac ménh dé sau, ménh dé nao
sai?
A.J.f(x)gx =J. dxjg BJ.Zf x)dx = 2J.

C. J.[f(x) g(x ]dx—J. dx+Jg x)dx. D. J.[f ]dx—J. X)dx — Jg

Hu’o’ng dan giai
Chon A
Nguyén ham khdng c6 tinh chit nguy&n ham cua tich bang tich cac nguyén ham.
Hoic B, C, D ding do d6 1a cac tinh chat co ban ciia nguyén ham nén A sai.
Cau 4: Khang dinh nao sau day 1a khang dinh sai?

AJ.kf X) dx = kJ' X)dx voi k eR .
B. I[ X)+9(x)]dx = j dx+Jg x)dx véi f(x); g(x) lién tuc trén R.

1 )
C. J'x”‘dx:—x”‘+1 Vol a #-1.
o+l

D. ([ £ (x)x) = (x).

Chon A
Taco J.kf X)dx = kJ. dX Vv6i k e R sai vi tinh chat ding khi k € R\{0}.

Cau5: Chohaihamso f(x), g( ) 1a ham s lién tuc, c6 F(x), G(x) lan lugt 1a nguyén ham cua

Huéng din giai

f(x), g(x). Xét chc ménh dé sau:

(1). F(x)+G(x) 1a mot nguyén ham cua f (x)+g(x).
(11). k.F(x) 1a mot nguyén ham cua k.f (x) véi k e R.
(

11). F(x).G(x) la mot nguyén ham cua f(x).g(x).
Cé4c ménh dé dung 1a
A (11) va (). B.Ca3 ménhdé.  C.(1)va(ll). D. (1) va ().
Huéng din giai
Chon D
Theo tinh chat nguyén ham thi (1) va (I1) 1a dang, (111) sai.
Cau 6: Mg¢nh dé nao sau day sai?
A. J.[ ]dx J. X)dx— Jg x)dx, véimoi ham s f(x), g(X) lién tuc trén R.

B. J.f dX- f +C véi moi ham s f(x) cd dao ham trén R ..

C. J.[f (x)+g(x ]dx J. dx+Jg x)dx, véi moi ham so f (x), g(x)lién tuc trén R.

D. J.kf (x)dx = kJ. x)dx véi moi hing s6 k va véi moi hamso f (x) lién tuc trén R.
Huéng din giai
Chon D
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Ménh dé: J.kf X)dx = kJ. x)dx véi moi hang sb k va véi moi hamsé f (x) lién tuc trén R la

ménh dé sai vi khi k = Othlj.kf dx;th.

Cau7: Chohamsé f(x) xac dinhtrén K va F(x) Ia mot nguyén ham cua f (x) trén K. Khang dinh
nao dudi day dung?
A. f'(x)=F(x), VxeK. B. F'(x)=f(x), ¥xeK.
C. F(x)=f(x), vxeK. D. F'(x)=f'(x), VxeK.
Huéng din giai
Chon B
Taco F(x J. x)dx, VXeK:>[F ]:f() VxeK .

Cau8: Chohamsé f(x) xac dinh trén K. Khdng dinh nao sau day sai?
A. Néu ham s6 F(x) la mot nguyén ham cua f(x) trén K thi véi mdi hing sé C, ham sb
G(x)=F(x)+C ciing 1a mot nguyén ham cua f (x) trén K.
B. Néu f(x) lién tuc trén K thi nd c6 nguyén ham trén K.
C.Hamsé F(x) dugc goi 1a mot nguyén hamcia f (x) trén K néu F'(x) = f (x) véimoi x e K

D. Néu hamsé F(x) la mot nguyén hamcia f(x) trén K thihamso F (—x) la mot nguyén ham
cua f(x) trén K.
Huéng din giai

Chon D 7

Duya theo dinh li 1 trang 95 SGK 12 CB suy ra khang dinh A dung.

Dua theo dinh 1i 3 Sy ton tai nguyén ham trang 97 SGK 12 CB két luan B dung.

Va C ding dya vao dinh nghia cta nguyén ham.
Cau 9: Trong cac ménh dé sau, ménh dé nao sai:

A. Néu ham F(x) la mot nguyén ham cua ham f (x)thi F(x)+1 ciing 1a mot nguyén ham ciia
ham f (x).

B. Moi ham lién tyc trén K déu c6 nguyén ham trén K.

C. Néuham F(x) la mot nguyén ham ciia ham f (x)thi J. f (x)dx =F(x)+C, véi C la mot hang

D. Néu F(x), G(x) la hai nguyén ham ciia ham s6 f (x) thi F(x)+G(x)=C, véi C la mét
hang sd. 3
Huwdng dan giai
Chon D ’ ‘ ‘
Cau 10: Cho f,g lacac ham s0 lién tuc trén K. Trong c&c ménh dé sau, tim ménh d¢ sai.

A. J.[f( =J.f( )dx—jf(x)dxjg(x)dx
B. If (x) f? x)dx_ ( )

C.J.[f (x —J. dx+ngdx

D. kJ.f(X dx = kJ. x)dx, (k : hang so).

Huéng din giai
Chon A

DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 5
Facebook: https://www.facebook.com/dongpay




ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Tich Phan va Ung Dung

DANG 2: NGUYEN HAM CO BAN

Cau 11: Khang dinh nao sau day sai?

A. Idx=x+C. B. Isinxdx=—cosx+C.
C. Inxdx:£+C. D. J'ldx:ln|x|+C.
X X

Huéng din giai
Chon C
Ta co: Iln xdx=xInx—x+C.

Cau 12: Trong cac ménh dé sau, ménh dé ndo sai?

A. |e*dx=e"+C. B. =—tanx+C.
I Isinzx
C. Icosxdx=sinx+C. D. Jsinxdx=—cosx+C.
Huéng din giai
Chon B
Taco'f =—cotx+C.
sin? x 7
Cau 13: Trong cac khang dinh sau, khang dinh nao sai?
A IOdX:C (C la hang so). 5. Ie dx=e"-C (C Ila hang so).
n+l
IdX: X+2C (C la hang sd). IX dx=2—+C (C lahing sb, ne 7).
C. n+1
Hudng dan glal
Chon D

Cong thirc trén can c¢6 thém diéu kién n = 1.
Cau 14: Biét I u)du=F(u)+C. Ménh dé nao duéi day ding?

A [f 2x—1)dx=2F(2x—1)+C. B. [ f(2x-1)dx=2F (x)-1+C.
C.If(Zx—l)dx:%F(Zx—1)+C. D. I 1)dx=F(2x-1)+C.

Huéng din giai
Chon C

Taco [ f(2x-1)dk=2 f (2x-1)d(2x-1) =2 F (2x-1)+C.
Cau 15: Khang dinh nio sau ddy 1a sai?

A. Iaxdx=axlna+C (a>0,a=1). B. Icosxdx=sinx+C.
1 1 1
C. [—=dx=+/x+C. D. | =dx=-=+C.
Iz\& X X
Huéng din giai
Chon A
. a
Vi |a%dx = a>0a=1
I Ina ‘ ( ‘ )
Cau 16: Trong cac ménh dé sau, ménh dé nao sai:
A. Iexdx=eX+C. B. Isinxdx=cosx+C.
C.I2xdx=x2+C. D. J'idx:ln|x|+C.
) X
Hwéng dan giai.
DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 6

Facebook: https://www.facebook.com/dongpay



ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Tich Phan va Ung Dung

Chon B

Theo bang nguyén ham cua céc ham sb thuong gap ta co I sinxdx =-cosx+C .

Céau 17: Cong thirc nguyén ham nao sau day sai?

X

A. szdx= 2 +C. B. Jsinxdx=—cosx+C.
In2
C. J'%:In|x|+c. D. i:tanx+C .
X COS X
Huéng din giai

Chon D

. ' 1 .
Vi (t = =1 C.

| (tanx) P nén jcoszx an x+

Cau 18: Timho nguyén ham ctia hamso f (x) =2x+1

A. j dx_ 2x+1) +C . B. j X dx— 2x+1) +C .
C. [ f(x)dx=2(2x+1)" +C. D. [ () 2x+1) +C .

Huéng din giai
Chon B

Tacoj X)dx = I 2x+1)dx = x> +x+C, = (4x +4x+l)——+C _1(2x+1) +C.
4 4 4

Cau 19: Ho nguyén ham cua ham sé f(x) =2x* +x+1 la

2 2 3

A. Zi+X—+x B. Zi+X—+x+C c. 2 4x+C.
3 2 3 2 3 3
Hudng dan giai
Chon B

I(ZXZ +x+1)dx=2—§+x—22+x+c.

Cau 20: Nguyén ham ciia hamsé f (x)=10x*-3x+2 trén R la

AJ' X) dx = 2x° —§x2+2x. B. I X)dx = 10x°
2
CJ' X)dx = 2x° —§x2+2x+C. DJ' X)dx = 2x°
2
Huéng din giai
Chon C
jf (x)dx:j(lox“—3x+2)dx:2x5—gx2 +2x+C.
Cau 21: Ho cc nguyén ham cia hams6 f (x) = ! la
3x+1
A In(3x+1)+C. B. In(=3x—1)+C. c In|3x+1|+C

Huéng din giai
Chon D

Tacoj =1j L d(3x+1) =1ifax+1+c.
x+1 37 3x+1 3

Cau 22: Tim nguyén ham caa ham sb j(xz +§—2\&]dx
X

D. 4x+1.

—3x*+2x+C.

—§x2+2C.
2

D. %In|3x+]4+c.
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3
A %-3|n|x|—%\/F+c.

3

C. X?+3In x—%\/?.

Huéng din giai
Chon B
3
Ta co: I(xz +§—2\/§jdx:x—+3ln|x|—£\/x73+c .
X 3 3

3
D. X—+3In|x|+
3

3
B. X?+3In|x|—%\/F+C .

%\/F+C.

Cau 23: Nguyén ham cia ham so f (x) =2 I3
2x+1 22x
A szde: +C. B. [27dx==—+C.
In2 In2
4X 22X—1
C. [27dx=——+C. D. [2%dx="—+C.
In2 In2
Huéng din giai
4X 22X—1
Tac J‘22de=J.4de= +C= +C.
In4 In2
Céu 24:
X = In|x[+Inx2+C. gy —in|x|-L4cC.
X
X2
—+x+C
c. [*lax--2, D. [*Lax=mx-Lic.
X X X
—+C
3 ~
Hwéng dan giai
Chon B
x+1 I(l %)dx:ln|x|—£+c.
x? X X X
Cau 25: Ho nguyén ham cua ham s6 f (x)=v2x+1 la:
1 2x +1)° 24/(2x+1 3,(2x+1)’
A. +C. B. &7%;. C.(—)+ D.g
V2x+1 3 3 4
Huéng din giai
1(2x+1)’ ./ 2x+1)°
Taco j\/2x+1dx=— ( ) 4
2 3
—+1
2
Cau 26: Ho cac nguyén ham ciia ham sé f (x) = e 13
A. I X)dx =e”"*+C. B. j L 2X+3+C.
C. I x)dx = 26 +C.. D. j 1 2X+3+C.
Huwéng dan giai
Chon B
DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 8
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ax+b

Iea“bdx= +C (a#0) :>J'e2“3dx:£e2“3+c
a 2
Cau 27: Tim nguyén ham ciia ham s f (x)= ! =
sin? =
2
A J o =-2tan—+C B.J o =2tan§+C
2 =2
SInN™ — sin“ =
c | dxxz—lc tX4c . [—® _ pctXic
sin’ 2 sin® =~ G
Huéng din giai
Chon D
X
dx d(z) X
I ” =2I ” =-2cot—+C.
sin? = sin? = 2
2
R 1
Cau 28: Tim nguyén ham cua hamso f (x)=—.
guy (x) T
I dx J2x+C. B.J‘f(x)dx=2\/ﬂ+c.
C. [f(x dx———+C D. [ f(x)dx=Inv2x+C.
Huéng din giai
Chon A
Tacoj X)dx = I—dx jd( ) J2x+C.
Cau 29: Néujf( Jox=sinx-e*+C .
A. f(x)=—-cosx—e". B. f(x)=cosx+e".
C. f(x)=cosx—e". D. f(x)=-cosx—e*+C.
Huéng din giai
Chon C
Taco: I dx sinx—e*+C = f( )=(sinx—e*+C)'=cosx—ex.
Cau 30: Tim khang dmh sai?
e+l X+1
A.Ixedx:x +2C. B. [2*dx="—+C.
e+l X+1
C. J‘e*XdX=C—e*X D. Itan xdx =tanx—x-C.
Huéng din giai
Chon B
. Xe+1 ,
IX dx = +2C dung
e+l

I e 'dx=C—-e ™" dung

St dung cong thirc 1+ tan® x =

suyraj'tan xdx = J'( L —1)dx=tanx—x—c

cos® COS™ X
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Céau 31:

Céau 32:

Céau 33:

Céau 34:

Céau 35:

Nén J‘tan2 xdx =tan x—x—C ding.

4
Cho F(x) la nguyén hamcua f (x)= ZXX2+3. Khi do
3 3
AFH=2413.c. B. F(x)=2—3In|x+C.
3 X 3
3 3
C. F) =25 43Ix|+C. D.F=2X_3.¢c.
3 i 3 X
Hudng dan giai
Chon D
4 3
Taco: IZX 2+3dx:j(2x2+%]dx :ZL—E+C
X X 3 X .
Ho nguy&n ham caa ham s6 f (x)=2x+sin2x la
A. x> +2c0s2x+C . B. x2+%c052x+c. C. X*-2c0s2x+C. D. xz—%c052x+C
Huéng din giai
Chon D
If(x)dx:j(2x+sin 2x)dx:x2—%c032x+C.
Ho cac nguyén ham caa ham s6 f(x):% la
sin (x+2)
A. cot(x+2)+C. B. —cot(x+2)+C.
2cos(x+2) cos(x+2)
__—+C. . __—
sm3(x+2) sm3(x+2)
Huéng din giai
Chon B
Ap dung cong thirc ~|‘_2—dx=—£c0t(ax+b)+C
sin® (ax+b) a
, 1
TacO | ————dx=—-cot(x+2)+C
jsinz(x+2) ( )
Ho nguyén ham cua ham s f (x)=e*+cosx+2018 la
A. F(x)=e"+sinx+2018x+C. B. F(x)=e"-sinx+2018x+C.
C. F(x)=¢"+sinx+2018x.. D. F(x)=e"+sinx+2018+C.

Huéng din giai
Chon A
F(x)zj(ex+cosx+2018)dx =e* +sinx+2018x+C (Vi C la hang sd).
Tim nguyén ham ctia ham so f (x)=¢* —e™.
A. J‘f(x)dx=—ex+e*X+C. B. J‘f(x)dx=ex—e*X+C.
C. J‘f(x)dx=—ex—e*X+C. D. J‘f(x)dx=ex+e*X+C.
Huéng din giai
Chon D
If(x)dx=J'(eX—e*X)dx=eX+e*X+C.
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Cau 36: Ho nguyén ham cia hamsé f(x)=—-e™ la

A.e*+C. B. e*+C. C. e*+C. D. —e*+C.
Hudng dan gidi

Chon A
J‘—efxdx =e *+C
Cau 37: Tim nguyén ham cia ham sé y =sin(x—1)?
A. Isin(x —1)dx =-cos(x-1)+C. B. Isin(x—l)dx =cos(x-1)+C.
C. Isin(x—l)dx =(x—-1)cos(x-1)+C. D. Isin(x—l)dx =(1-x)cos(x-1)+C.
Hudéng din giai
Chon A
Cau 38: Hamsd F(x)=e* Ia nguyén ham ciia ham sb nao sau day?
A f(x)=2xe". B. f(X)=2X2eXz +C.
C. f(x)zxexz. D. f(x)zxzexz+3.
Huéng din giai
Chon A

Taco: F’(x):(exz) = 2xe*
Vay f(x)= 2xe*
Cau 39: Tim ho nguyén ham F(x) ciia ham s& f (x) = cos(2x +3).

A. F(x)=-sin(2x+3)+C. B. F(x):%sin(2x+3)+C.

C. F(x):—%sin(2x+3)+C. D. F(x)=sin(2x+3)+C .

Huéng din giai
Chon B.

F(x) = [ cos(2x+3)dx = %sin(Zx +3)+C.

Cau 40: Cap ham sb nao sau day c6 tinh chat: c6 mot ham s6 1& nguyén ham cua ham sb con lai?

A. f(x)=sin2x, g(x)=cos®x. B. f(x)=¢e", g(x)=e™.
. . 1
C. f(x)=sin2x, g(x)=sin’*x. D. f(x)=tan®x,
(x)=sin2x, g(x) (x)=tan"x, 9(x)=—3—
Loi giai

Chon C

Taco jsin 2xdx :—%coszx+c =sin® x—%+C
Cau 41: Ho nguyén ham cua ham sé f(x)=tanx la

A. —In|cos x| +C. B. - 12 +C. C. In|cosx|+C. D. 12 +C.

cos® X i cos’ X
Hudng dan giai
Chon A
Co jtan xdx = Ismx dx = Id(cosx) =—In|cos x|+C.
COS X COS X
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Cau 42: Cho F(x) la mot nguyén ham cia hams6 f (x)= 2 waF (%] = 3. Khang dinh nao dudi

cos’ X
day dung?
A. F(x)=2tanx+3. B. F(x)=tanx-4.
C. F(x)=2tanx-5. D. F(x)=-2cotx-5.
Huéng din giai
Chon C
2
F = dx =2t C.
(x) jcoszx X an x +

Ta lai c6 F(%]=—3:>2tan%+cz—3@cz—5.

Vay F(x)=2tanx-5.
Cau 43: Tim khang dinh sai?

e+l

A. J‘tan2 xdx =tan x—x—C . B. [xdx=——+2C.
e+l
X+1
C. szdx= +C. D. J‘e*XdX=C—e*X
x+1 3
Hudng dan gidi

Chon C

Xe+1
[x°dx==—+2C dung

e+l
I e 'dx=C—-e™* dung
Sur dung cong thirc 1+tan® x = 12 , Suy ra J'tan2 xdx :J( 12 —1)dx =tanx—x-C

COS” X cos” X
Nén J‘tan2 xdx =tan x—x—C ding.
. 1
Cau 44: Ho nguyén ham cia ham s6 f (X) :ﬁ la
1 ) 1

A. In[l-x+C. B. S In(-x)*+C. C. -In|2—2x|+C. D. —Eln|1—x|+C.

Huéng din giai
Chon C

Ta co: jﬁdx=—ln|l—x|+c :—In|2—2x|+C’.

Cau 45: Cho hamsé f (x) thea f'(x)= va f(2)=0.Ménh dé nao dudi day diing?

3-2x%
A. f(x)=3In]3-2x. B. f(x)=2In[3-2x].
C. f(x)=-3In[3-2x]. D. f(x)=-2In|3-2x|.
Huéng din giai
Chon C
, 6 1
f(x)zj‘f (x)dx =j3_2xdx :6.(_—2jln|3—2x|+c =-3In[3-2x/+C.

f(2)=0=C=0.Vay f(x)=-3In|3-2x].
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Cau 46: Biét F(x) la mot nguyén ham cia ham f (x) =sin2x va F(zjzl. Tinh F(%)

SO LG L O L O

Huéng din giai
Chon B

Ta co: F(x):J'sin 2xdx:—%c052x+c.
.z T 1 /4 . 1
Biet F(ZJZI:—ECOSZ.Z+C=1:>C=1.Do do F(x):—5c052x+1.

Suyra: F z :—1c032_£+1:§.
6 2 6 4

T

4
Céch khac: jsiandx:%: F(%]_F(%j©%21_|:(%j© F(%j:%

6
Cau 47: Trong c4c khiang dinh sau, khang dinh nao sai?

A. jidx:ln|3x|+c. B. Iexdx=eX+C.
3x
C. Isinxdx=—cosx+C. D. szdx= 2 +C.
In2

Huéng din giai
Chon A
,rl 11 1 , 1
'MCOj—dX:—yﬂX:—MVHC,mnhcmmj—dXZMBﬂ+C.
3% 37X 3 3%

Cau 48: Tim nguyén ham | =I\/2x+1dx

2 3 1
A. I =—,/(2x+1) +C. B.l=————MM+C.
3 ( ) 22x+1
1 3 1
C. I ==,/(2x+1) +C. D.l=——+C.
3 ( ) 42x +1
Huéng din giai
Chon C
3
11 (2x+1) 1 3
[Vax+1dx = [(2x+1)2 dt:E.T+C=§,/(2x+1) +C
2
CAau 49: Tim a+b biét I&dx:aln|x+2|+bln|x+]4+C?
(X+D(x+2)
A a+b=7. B.a+b=5. C.a+b=11. D. a+b=-5.
Huéng din giai
Chon A
Tacé:j Tx+11 X:I(i+i]dx :4.In|x+]4+3ln|x+2|+C.
(X+D)(x+2) X+1 x+2

DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 13
Facebook: https://www.facebook.com/dongpay




ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Tich Phan va Ung Dung

a=3 _
= .Vay a+b=7.

Cau 50: Timhamsé F(x) biét F'(x)=sin2x va F(%)zl.
1 1
A. F(x):—5c032x+§. B. F(x)=-cos2x.
1 3
C. F(x):5c052x+§. D. F(x)=2x-m+1.
Huéng din giai
Chon A

Ta co: jsiandx:—%0052x+C nén F(x):—%c052x+C.

Ma F(zj 1:—%cos;r+c 1=C=

NIH

. Vay F(x):—%c052x+%.

Cau 51: Tim nguyén ham cua ham sé f (x)=3x> +§.

2

AI dx X +x2+C. B. I —+X—+C.
4
NG NG
C. I dx X +—+C. D. I dx X +=—+C.
4 2
Huéng din giai
Chon C
3 2 2
If(x)dx:j(3x2+ljdx:3.x—+x—+c:x3+X—+C.
2 3 4 4
2_
Cau 52: Tinh nguyén ham | :IZX—7;(+5dx.
X_
A. I:2x2—x—2ln|x—3|+C. B. | :xz—x+2ln|x—3|+C.
C. I:xz—x—ZIn|x—3|+C. D. I:2x2—x+2ln|x—3|+C.
Huwéng dan giai
Chon B
2_ 2(x—3) +5(x—3)+2
Taco 2X 7X+5: ( ) ( ) :2(x—3)+5+iz2x—1+i.
Xx-3 X—3 X-3 X-3
2_
Vay dex:I(ZX 1+L]dx_x —Xx+2In|x-3/+C.
X—3 X—3

Cau 53: Hamsé F(x) :2—17e3“1(9x2 —24x+17)+C la nguyén ham cia ham s ndo dudi day?

A. f(x)=(x2—2x—1)e3x’l. B. f(x)=(x2+2x—1)e3”l.
C. f(x)=(x2—2x—1)e3”l. D. f(x)=(x2—2x+1)e3”l.
Huwéng dan giai
Chon D
1 X+ X+ 1 X+
Taco: F'(x)=— [ 36¥ (9x* — 24x+17) + > (18x - 24) = - e™ (27X - 72x+51+18x - 24)
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:2—17e3“1(27x2—54x+27):(x2—2x+1)e3“1 .

Cau 54: Tinh | =I83in3xcosxdx=acos4x+bcost+C.Khi d6 a—b bang:
A. 3. B. -1. C. 1. D. 2.
Huéng din giai
Chon C
Taco: | =I85in3xcosxdx =I4(sin4x+sin2x)dx = —C0s4x—2c0s2x +C.
—=a=-1,b=-2néna-b=1.

Cau 55: ) Ho nguyén ham ctia hamsé f (x)=x+sinx la
2 2
A.1+cosx+C. B.X?—cosx+C. C.X?+cosx+C. D. x> —cosx+C.

Huéng din giai
Chon B

2

Taco f(x+sinx)dx:x7—cosx+c.

Cau 56: Cho hamsé y= f (x) thoa méin dong thoi céc diéu kién f'(x)=x+sinx va f(0)=1. Tim
f(x)

2 2

A. f(x):x—+cosx+£. B. f(x):x——cosx+2.
2 2 2
x? NG

C. f(x):?—cosx—Z. D. f(x):7+cosx.

Huéng din giai
Chon B

2
Taco: f'(x)=x+sinx= f(x):%—cosx+C
Do f(0)=1nén1=-1+C=C=2

2

Viay f(x):x?—cosx+2.

. 2
Cau 57: Tim nguyén ham F(x) cia hamso f(x)= théamén F(5)=7.
W ™ ) J2x-1 ©)
A F(X)=2/2x-1+1. B. F(x)=+v2x-1+4.
C. F(x)=+2x-1-10. D. F(x)=2v2x-1.
Huéng din giai
Chon A
2
Taco F(x)=| f(x)dXx = -—==dx=24/2x-1+C.
00 = 0] =2

Ma F(5)=7=C =1.

Vay: F(x)=2v2x-1+1.
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Cau58: Cho f(x)= % F(x) la mot nguyén ham cua f (x). Tim phuong an sai?
X+
2 2
A.F(x):XX_X1+1 B. F( ):LX;Z.
+ X +
x> —x-1 x?
C.F = . D. F =
(X) X+1 (X) X+1
Huéng din giai
Chon A
e (xz—x+1], X2 +2Xx—-2  X*+2x
Vitaco = — =
X+1 (x+1) (x+1)

Cau 59: Cho F(x) la mot nguyén ham ciia ham sé f (x)=3%In9 thoa F(0)=2. Tinh F(1).
A F(1)=6. B. F(1)=3. C. F(1)=12(In3)°.  D. F(1)=4.

Huéng din giai
Chon A

3X
F(x)=|f(x)dx=In9|3dx=In9.—+C=23"+C.
(x) I (x)dx nj X In9|n3+C 2.3 +C
F(0)=2 & 23°+C=2o C=0.Viy F(x)=23=F(1)=23"=6.

Cau 60: Tim nguyén ham F(x) ciia hamsé f () =X—_21, biét d6 thi ham so y = F(x) di qua diém
X

(L-2),
A F(x):ln|x|—%—1. B. F(x):ln|x|+%—3.
C. F(x):ln|x|+%+3. D. F(x):ln|x|—%+1.
Huéng din giai
Chon B
] 1 1
Taco: F(x)= _J.(;—X—jdx In|x|+ +C

Ma ta co: F(l):—2<:>ln1+i+C = 2C=-3=> F(x):ln|x|+£—3.
X

Cau 61: Tim nguyén ham cia ham sé f (x)=x—sin6x.
2

X® sin6x x*  COS6X
A | f(x)dx=— C. B. | f(x)dx=—- C.
I (x)dx + + I (x)dx 5 5 +
x*  sin6x x*  cos6x
C. [ f(x)dx==-- +C. D. [ f(x)dx="-+ +C.
2 6 2 6
Huéng dan giai
Chon D
2
Taco I(x—sinGx)dx:X—+COS6X+C.
2 6
Cau 62: Biét F(x) la mot nguyén ham cia ham s6 f(x)z% va F(1)=3.Tinh F(4).
X
A. F(4)=5. B. F(4)=3. C. F(4)=3+In2. D. F(4)=4.
Huéng din giai
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Cau 63:

Cau 64:

Cau 65:

Cau 66:

Chon A
4

j—dx_ F(4)-F1) = F(4) :jidx+ F()=5.
L Vx
T|m nguyén ham ctia ham so f (x)=x°+sin2x.

A. I dx_X—+1c032x+C B. I :——1c032x+C.
2 2
4
C. If(x)dx=XT—c032x+C. D. I dx 3x?+2c0s2x+C.
Huwéng dan giai
Chon B
4
Tach J‘(X3+Sin2x)dxzx——£c032x+c.
4 2
R J4 \ A 1n ~ N , . x X+3
Ham s6 F(x) nao sau ddy la 1 nguyén ham ctia ham s6 f(X) = ———=7?
X*+4x+3
X+1
A. 2In|x+3|—|n|x+]4+C. B. In[—|+2.
x+3
C. In[(x+1)(x+3)]. D. In(2|x+1]).
Huéng din giai
Chon D

X+3 X+3 1
T X1 4x+3 (x+1)(x+3) X+1

— Ham s6 F(x) nao c6 dao ham bang Ll thi d6 la 1 nguyén ham ctua f(x)
X+

Chon F(x)=In(2|x+1)
Timgiatri m dé hamsé F (x)=m?x®+(3m+2)x® —4x +3 la mot nguyén ham ctia ham s6
f (x)=3x*+10x—4.

A. m==1. B.m=-1. C. m=1. D.m=2.
Hudng dan giai

Chon C
Taco: F'(X)=3m"x"+2(3m+2)x—4.
: X o . 3m? =3 m=+1
Khido F(x) la mot nguyén ham cua hamso f (x) < =S <m=1,
2(3m+2)=10 ~ [m=1

Cho ham s F(x)=ax’+(a+b)x*+(2a—b+c)x+1 la mot nguyén ham ctia ham sb
f (x)=3x*+6x+2. Tong a+b Ia
A 4. B. 2. C. 5. D. 3.
Huéng din giai
Chon D
Taco: F'(x)=f(x)<3ax’+2(a+b)x+2a-b+c=3x*+6x+2, ¥xeR
3a=3 a=1
<42(a+b)=6 <ib=2 =a+b=3.
2a-b+c=2 |[c=Cc=2
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DANG 3: NGUYEN HAM CO BAN TIM HANG SO C
Cau 67: Nguyén ham F(x) ctiahamso f (x)=2x*+x°—4 thoa min diéu kién F(0)=0 Ia
2 X4 4
A 2x°—4x*. B. =X’ +——4x. C. x*—x*+2x. D. 2x¢ 1+ X _ax.
3 4 i 3 4
Hudng dan giai

Taco: F(x)=‘|'(2x2 +x3—4)dx=zi+x—4—4x+c
3 4

3 4 4
F0)=0022 4% icooec=0=F(x)=2x+5 —ax.
3 4 3 4
Chon D
Cau 68: Tim ham s6 F(x) biét rang F’(x)=4x>-3x*+2 va F(-1)=3
A F(x)=x'-x*-2x-3 B. F(x)=x"-x*+2x+3
C. F(x)=x"-x>-2x+3 D. F(x)=x"+x*+2x+3

Huéng din giai
Taco: F(x IF' xdx=J.(4x3—3x2+2)dx=x4—x3+2x+C
F(-1)=3<(- ) (—)+2.(—1)+C=3<:>C=3
Vay F(x)=x"-x+2x+3
Chon B

Cau 69: Cho F(x) la mot nguyén ham cia ham s f (x) =e* +2x théa min F(0) = % Tim F(x).

A F(x):ex+x2+%. B. F(x):2ex+x2—%.
X 2 3 X 2 5
C. F(x)=e"+x +E' D. F(x)=e"+x +E'
Huéng din giai
Chon A
Ta co: If(x)dx=J.(eX+2x)dx=ex+x2+C
Do F(0)== nén e +02+C—g:>C—;

Vay: F(x):ex+x2+%.

Cau 70: Tim nguyén ham cia ham sé f (x)théa méin diéu kién: f (x)=2x—-3cosx, F (%) =3

2 2

A. F(x) =x*-3sin x+6+% B. F(x) = x*—3sin x—%
71'2 71'2
C. F(x)=x2—35inx+T D. F(x)=x2—35inx+6—T

Huéng din giai
Taco: F(x) =I(2x—3cosx)dx= x> —3sinx+C

2

2
F(£j=3<:>[1) _3sinf4+C=3oC=6-"
2 2 4
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2

Viay F(x)=x*—3sin x+6—%
Chon D

Cau 71: Biét F(x) la mot nguyén ham cua ham s f (x) = >

! ;v F(2):3+%In3. Tinh F(3).

A F(3)=2In5+3. B, F(3):%In5+5. C. F(3):%In5+3. D.

F(3)=-2In5+5.
Huéng din giai
Chon C
Tur gia thiét ta co: j f (x)dx = F(x)

Co: [ f(x)dx =] le_

dx :iln|2x -1/+C.
1 2
Theo dé: F(2):3+%|n3<:>C =3.

:>F(3):%In5+3.
Cau 72: Tim nguyén ham F(x) cia hamsé f(x)=(2x+1)(x-2), biét F(1)=2.

A. F(x):gx3—§x2—2x+§. B. F(x):gx3—§x2—2x.
3 2 6 3 2
2 1., 2.5 3,
C. F(x)=(x*+x)| =% —2x|+2. D. F(X)=2x -2 x®-2x+2.
2 3 2
Huéng din giai
Chon A
2 3
Tacd F(x)=|(2x+1)(x=2)dx=|(2x* =3x-2)dx ==x*-=x* -2x+C.
(%)= ] (2x+2)(x~2)ae= Jox =2~
Ma F(l):2<:>g.13—§.12—2.1+0:2<:>C:§.
3 2 6
2 3 29
Vay F(x)==x*—=x? —2x+—.
Y (=33 6
Cau 73: Mot nguyén ham F(x) caa ham sé f(X) = 2x+ —— thoa mn F(%):—llé:
in? x
71'2 71'2
A. F(X) =—cotx+ x* —— B. F(X) = cotx — x* + —
16 16
2
C. F(x) =—cotx+x* D. F(X) = —cotx + X2_71Z_6

Huéng din giai

Ta co: F(x)=j(2x+sinl2 dex= x? —cotx+C

2

2
FIZ =1 2| -cotZ+C=-1C=Z
4 4 4 16

2
Vay F(X) =—cotx+ X2 ——
dy F(x) 16

Chon A
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Cau 74: Tim nguyén ham F(x) ciia hamsé f(x) =sin2x, biét F(%]:O.
-1 -1 /4
A. F(x):?c052x. B. F(x):?c052x+g.

C. F(x):coszx—%. D. F(x):sinzx—%.

Huéng din giai
Chon D

Taco: F( jSIHZXdX——%COSZX+C F(G] 0:>C=%

Vay F (X __Leosaxs :—1(1—25in2 x)+1 _sin? x—1.
4 2 4 4

) 1
2
Cau 75: Biét F(x) la mot nguyén ham ciia ham sé f (x)=sinx va do thi ciia ham s6 y = F(X) di qua

diém M (0;1). Tinh F(%)

gl e e arfge

Huéng din giai
Chon C
F(x)=Isinxdx=—cosx+C.
Vi db thi ciia ham s y = F(X) di qua diém M (0;1) = —cos0+C =1=C =2.
Vay F(Xx)=-cosx+2.

F(Ejz—cos£+2=2.
2 2

Cau 76: Tim nguyén ham F(x) cia hamsé f (x)= \/% théa man F (5)=7
F(x)=2V2x-1+4. B. F(x)=2v2x-1+1.
F(x)=2v2x-1-10. D. F(x)=2v2x-1.

Huwéng dan giai
Chon B
1
X)= 2 gx= 2[(2x-1) PP G RSP o Y
V2x-1 51
2
F(5)=7<23+C=7<C=L1.
Vay F(x)=2v2x-1+1.
. 2 .
Cau 77: Cho F(x) k& nguyén ham cia ham s f ()= );+3(x¢o) Biét ring F (1)=1 thi F (x) I
A F(X)=2X—§+2. B. F(x)=2|n|x|—§+4,
X X
3 3
C. F(x)=2x+=-4. D. F(x)=2In|x|+=+2.
X X
Huéng din giai
Chon B
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jf(x)dx:I(§+X—32]dx:2m|x|—§+c.
F(1)=1<C-3=1<C=4.
Cau 78: Néu F(x) la mot nguyén ham cia f(x)=e*(1—e™) va F(0)=3 thi F(x) la?
A e*—x B.e"—x+2 C.~eX—X+C D. e*—x+1
Hudng dan giai
Ta co: F(x)=J‘ex.(1—e’x)dx=‘|.(eX —1)dx=eX -x+C
F(0)=3< e -0+C=3cC=2
Vay F(x)=€e"—x+2
Chon B
Cau 79: Cho F(x) la mot nguy@n ham cta ham s6 f(x)=8(1—2x)3.Tinh | =F(1)-F(0).
A. | =0. B.l=-2. ~C.|:—16. D.1=2.
Hudng dan giai
Chon A
F(x)= ~[8(1—2x)3 dx =—(1—2x)4+C
F(1)=-1+C
F(0)=-1+C
= | =F(1)-F(0) =0.
[ 1

Cach2: 1 =F(1)-F(0) =j f(x)dx = [8.(1-2x)’dx =—(1-2x)’

0

=0.

0

Cau 80: Tim mot nguyén ham F (x) cua ham s6 f (x)= ax+%(x #0), biét ring F (-1)=1,F (1) =4,

f(1)=0
2 2
A F(x)zsi i+Z B F(x)zsi_i_z
4 2x 4 4 2x 4
2 2
C.F(x)=2X,3 7 D.F(x)=2x_3 1
2 4x 4 2 2x 2
Huéng din giai
Chon A
F(x)—jf(x)dx—J'(ax+£]dx—I(ax+bx‘2)dx—a—xz+bx_l+C—a—X2—E+C
X2 2 -1 2 X
8ibrc=1 a:§
F(-1)=1 |2 2 ,
, 7
Taco: {F(1)=4 |2 bsCode b= Vay F(x)=2 4 > 1
2 2 4 2x 4
fW)=0  |atp=o0 7
c=_L
4
DANG 4: NGUYEN HAM CO BAN HAM HUU Ti
Dang: | =J.w
Q(x)
— Néu bac cia P(x) > bac ctia Q(x) thi ta thuc hién phép chia da thirc.
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— Néu béc cua P(x) < bac ciia Q(x) va Q(X) ¢6 dang tich nhiéu nhan tir thi ta phan tich f(x) thanh
tong cua nhiéu phan thic (bang phuong phap hé sb bét dinh).

Chang han: L = A + B
(x—a)(x-b) x—-a x-b
L - A L BT sia=b? —dac <0
(x—=m)(ax®+bx+c) x—-m ax“+bx+c
1 A B C D

= + + +
(x—a)’(x-b)> x-a (x—a)> x-b (x-Db)?
Vi du: Tim nguyén ham cua cac ham s6 sau:
X2 +3x+3 1
a. f(x)= ——. b. f{X)= —.
® X+1 ) X% +3x+2
& Giadi
a. Taco:
X* +3X+3 1 1,
If(x)dx :I—dx :I X+2+—— |dx = =x*+2x+Inx+1+C.
x+1 x+1 2
b. Ta co:

_ dx B dx 3 1 1
If(X)dX - J'x2—3x+2 - J.(x+1)(x+2) dx= I(m_m]dx

X+1

=Inx+1-Inx+2/+C =1In +C.

Nhén xét. Qua thi du trén:
Cau a) ching ta chi can thuc hién phép chia da thirc 1a d& bién doi phan thirc hiru ti ban dau
thanh tong cac nhan tir ma nguyén ham cta mdi nhan tir 46 ¢6 thé nhan duoc tir bang nguyén

ham.
Cau b) chling ta nhan thay:
1 _ A B _ (A+B)x+2A+B
X*+3x+2  x+1 x+2 (X+1)(x+2)
Ta duoc dong nhat thirc 1 = (A + B)x + 2A + B. (1)
bé xac dinh A, B trong (1) ta Ira chon mdt trong hai cach sau:
Phuong phap dong nhat hé so: Pong nhat dang thure, ta dugc:
A+B=0 A=1
= .
2A+B=1 B=-1
Céau81l: Tim jGX+2 dx
A F(x):gln|3x—1|+C B. F(x)=2x+4In(3x-1)+C
C. F(x):2x+%ln|3x—]4+c D. F(x)=2x+4In[3x-1+C
Huéng din giai
Chon C

J'6X+2dx :I(2+ 4 ]dx :2x+ﬂln|3x—]4+C.
3x-1 3X— 3

Cau 82: Nguyén ham Iidx
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2
A. X—+In|x—ﬂ+C. B. 1—%+C. C. x+—2_4C. D. x* +In|x-1|+C.
2 (x—l) x—1
Huéng din giai
Chon A
2 2
IX—de:I X+ — dx:X—+In|x—]4+C.
x-1 x-1 2
. 1
Cau 83: Ho cac nguyén ham ctua ham so f(X):X2 1 la
1 - 1
A —ZIn|x-1+C. B. I Y. c. -1 lic. D. ZIn|x*~1+C.
2 2 |x+1 2 |x+1 2
Huéng din giai
Chon B
jf( )dx = :—I(———j dx =1l *L.c.
Xx-1 x+1 2 |x+1

Cau 84: Ham sé nao sau day khong phai Ia nguyén ham cia ham sé f (x) = m?
X+ X—

A F( )=1|n 2. ¢ B. F(x):iln X221 ¢c
1 5 |2x+1
X+=
2
C. F(x)=—2mZ*. ¢ D. F(x)==m[>"%, ¢
5 |x=-2 15 |2x+1
Huéng din giai
Chon D
+Taco F(x)zj.;dx:l (L— 2 ]dx_ =(In|x=2|-Inj2x+1))+C
(2x+1)(x—2) 5\ x-2 2x+1
:iln X=2 +C =—1|n 2X+1+C :llnx;z+Cl.
5 |2x+1 5 |x-2 5 1
X+=
2
Cau 85: Ham s nao sau day la mot nguyén ham caa ham s f (x) = !
X2 — X
A. F(x)=In|x-In|x-1. B. F(x)=In|x/+In|x-1.
C. F(x)==In|x—In|x-1]. D. F(x)=—In[x|+In|x-1l.
Huéng din giai
Chon D
1 1
e Phan tich ham s6 f(x)_—l——
-1 x
e C4c nguyén ham la Inlx —1 —Inlx| +C = mot nguyén ham Ia F(x) = —Inlx| + Inlx —1].

Cau 86: Biét j—dx a.In|x=1]+b.In|x—2|+C . Tinh gié tri cia bicu thic a+b.

A. a+b_1. B.a+b=5. C. a+b=-5. D. a+b=-1.
Huéng din giai
Chon D
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x-1 A B
(x—l)(x—Z)_x—l+x—2'
& —x-1=A(x-2)+B(x-1).

A+B=-1 A=2
~ ~ .
—2A-B=-1 B=-3

I x+1 J(X 1 XSZ}jX

_2|n|x—14—3|n|x—2|+c.
Vay a=2,b=-3. vay a+h=-1.

A . A s sz X X
Cau 87: Ho cac nguyén ham ctia ham s6 y =—— la:

A. In|x|+%+C. B. In|x|—%+C. C. ex+l+C. D. In x+l+C.

Huéng din giai

—I(E——]dx In|x|+ +C.

X X

Cau 88: Tim nguyén ham ciia ham s f (x)=

x*—4

A. EIn‘x2—4‘+C. B.——+C. C.
2

(4] pread

Huéng din giai

dx :iln‘x2—4‘+c
2

1 d(x
_dXZEI(

Cau 89: Tim nguyén ham cia hamsé f (x)=

A. If(x)dx:lnm

X

C. [ f(x)dx=-In VL Xt

X

1
x(1+x2)'

+C. DJ.

Huéng din giai
1@+ x)-x* 1

Taco: f() x(1+x) x(1+ x%) :;_

N |-

Khi d6 If(x)dx:ln|x|—EIn(1+x2)+C =In

V1+x?
1

Cau 90: Tim ho nguyén ham cia hamsé f (x)=————.
X —4x+3
1

A. ZIn x-3
2

—|+C. B. —In
x-1 2

X+3
X+1

Huéng din giai

+C. B.jf x)dx =

X—3 +C. —In
x-1 2

+C. C. ——In

X

+C. D. 2In‘x2—4‘+C.

dx_

+C.

X+
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1 1, |x-3
F(x)=|——dx=|———dx==|| ———— |dx==In——+C.
()I 4x+3 le J‘(x3xlj 2 |x-1
Cau 91: Nguyén ham | —
o J'x +4x— 5
At e B. Lm0 c. c. tm* e D. T X e
6 |[x+5 6 [x-1 6 |[x+5 6 |x-—
Huéng din giai
Cheon C
Ta co: j —j 1 dx:llnx—_l+c.
x> +4x-5 ¢ (x-1)(x+5) 6 |[x+5 _

Cau 92: Biét ring j dx=aln |X —]4 +L1+ C V6i a,b e Z. Chon khing dinh diing trong céac
X_

-2x+1

khang dinh sau:
N B.22__1. C.a=2b. p.2-_1

a b 3 2b 2

Hudng dan gidi
Chon A
Tacoj =3 dX:I X_32dx:j ! dx+j _szx:ln|x—]4+i+c.
x> —2x+1 (x—l) x-1 x—l) x-1

Suy ra jzx;gdx:aln|x—ﬂ+i+c <:>a|n|x—1|+L+C=In|x—1|+i+c.
X" =2x+1 x-1 x-1 x-1

Suyra {a:1:>9:2.
b=2 a
Cau 93: Tim nguyén ham cia hamsé f (x)= ﬂ.
2x% —x -1
2 2 2 5
A. jf(x)dx:—§In|2x+]4—gln|x—]4+c. 5 jf(x)dx:—§In|2x+]4+gln|x—]4+c.
1 5 2 5
C. jf(x)dx:—§In|2x+]4+§ln|x—]4+c. D. jf(x)dx:—§In|2x+]4—§ln|x—]4+c.
Huéng din giai
Chon B
Ta co: j 2X+3 J' 2X+3 _J'[ 5 1 }dX.
2X% — X — 1 2x+l 3 2x+l 4 x-1
2 d(2x+1) 5 d(x—l)___ 5 _
= 3[ il +3I T 3In|2x+]4+3|n|x 1+C.

DANG 5: NGUYEN HAM LUQNG GIAC CO BAN

Cau 94: Ho nguyén ham caa ham sé f (x) =sinx+1 la

sin? x

A. cosx+x+C. B. +x+C. C. —cosx+x+C. D. cosx+C.

Huéng din giai
Chon C
Ta co: Isinx+1= —COSX+X+C

Cau 95: Cho ae R, ham s6 nao sau day khong phai 1a mot nguyén ham ctia ham sé f (X) =cosx.
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A. F(x)=sinx. B. F(x)= ZCOS%aCOSXTa.
C. F(x):ZSin(§+ajcos(§—a) D. F(x)=23iniacosx_a.
2 2 2 2

Huéng din giai
Chon B
Icosxdx =sinx+C.

, X+a X—a N ~ e 1 n ~ R , N z
Taco 2 cosTcosT = C0s X +cosa . Bay khong phai 1a mét nguyén ham ctia ham so

f(x)=cosx.
Cau 96: Ho nguyén ham cia ham s f (x)=sin2x Ia
A. —sin’x+C. B. —cos2x+C. C. cos2x+C. D. —cos’x+C.
Hudng dan giai
Chon D
If(x)dx=Isin2xdx = —ic052x+C = —3(20052 x—1)+C: —Cos® x+1+C.
2 2 2
Cau 97: Trong cac ham so sau, ham s6 nao c6 méot nguyén ham la ham s6 g (x)=tanx?

() f(x)=tan’x+2 (Il) f(x)zcosizx (1) f(x)=tan’x+1

A. (). B. (I1). C. (11),(n). D. (1),(1),(1m).
Huéng din giai.
Chon A
Taco j tan x+1 dx = I dx =tan x+C.
cos? X

Cau 98: Tim nguyén ham cia ham sb f () =I(sin 2x—cos3x)dx .
A. j dx——c052x—%5|n3x+c B. j (x)d =——c052x—%sm3x+c

C. I dx——cost sin3x+C. D.I x dx=c032x+sin3x+C.
Huéng din giai
Chon B

f(x) :j(sin 2X—COSBX)dXz—%COSZX—%Sin3X+C .

Cau 99: Nguyén ham cua ham sé f (x)=sin xcosx la:

A. —sinxcos x. B. %c052x+c. C. —%cost+C. D. %sin2x+C.
Huéng din giai
Chon C
jsm X c0S XdX = Ism 2XUX __COS2X
4
Cau 100: Ho nguyén ham cia ham s f (x)=4" +sin’x la
H] Ho]
A #x+ 2N XL ¢ B. #Ix-1 X, ¢,
. 4 +§—£sin2x+C. D. 4 —Esin2x+C.
In4 2 4 In4 4
Hudng dan giai
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Chon C
Ta co:

Jf (x)dx=‘|.(4X +sin’ x) dx :I(4X +#]dx

:I 4X+£—C032X dx 4 +§—lsin2x+C.
2 2 4

2 "4
Cau 101: Tim nguyén ham caa ham s6 f (x) =tan” x..
A Jf(x)dx=tanx+x+C. B. Jf(x)dx=tanx—x+C.
C. If(x)dx=tanx+C. D. Jf(x)dx=x—tanx+C.
Huéng din giai
Chon B
Taco: j f (x)dx :J'tan2 xdx :j(1+tan2 X —1)dx :j 12 dx—jdx =tanx-x+C.
) COS“X
Cau 102: Nguyén ham ciua ham so f (x) = sin 3x.cos5x la.
A J'f(x)dx:ic052x—ic058x+c. B. J'f(x)dx:ic052x—isin8x+c.
4 16 4 16
1. 1 1 1
C. [ f(x)dx==sin2x—cos8x+C . D. [ f(x)dx =~ c0s2x+-cos8Xx+C.
4 16 4 16

Huéng din giai
Chon A

1, . . 1 1
f (x)dx ==](sin8x —sin 2x)dx = =c0s2x ——cos8x +C..
J 1 oodx=2( Jix = cos2x o

Céu 103: Tinh | =I8sin3xcosxdx=acos4x+bc032x+C . Khi d6, a—b bing

A. 1 B. 2. C. 3. D. -1.
Huéng din giai

Chon A

I =I8Sin3xcosxdx =4I(sin4x+sin2x)dx =—C0S4x—2c0s2x+C

—a=-1b=-2.Vay a-b=1.
Cau 104: Nguyén hélmJ‘sin2 2xdx la

A. 1x+lsin4x+C. B. 1sin32x+C.
2 8 3

C.lx—lsin4x+c. D.lx—lsin4x+C.
2 4 2 8

Huéng din giai
Chon D

Ta co: IsinZZXdX:IM 1

dx == x—isin4x +C:1x—lsin4x+c.
2 4 2 8

DANG 6: NGUYEN HAM HAM SO MU LOGARIT

Cau 105: Tim ho nguyén ham ciia ham sé f (x)=5".

A =22 4C B. [5dk = —+C
' ‘In5 ' 2In5
X+1
C. |5%dx = 2.5% . D. |5%dx = +C.
J‘ 25%In5+C J‘ W+l
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Huéng din giai

Chon B
25" 25"
Taco |57dx = [25%dx = +C = +C.
'[ -[ In25 2In5
_ A2018x
Cau 106: Tim ho nguyén hém cia ham sd f (X) =€
f 2018)( 2018X
I (x)dx = 2018 e 5 [T +C
c I X) dx = 2018™* + C o [ (xax=em= i 2018+C

Huéng din gi{li
Chon A
Theo cbng thirc nguyén ham mo rong.

Cau 107: Ham sb nao dudi day 1a nguyén ham ciia ham so f (x)=e"* ?
1 -1
A, y=—4e"™, B.y= ZeHX' C.y= Iel’“ . D. y=e"".

Huéng din giai
Chon C

Tacoj X)dx = Ie”xdx i e 4 C.

Cau 108: Cho F(X) 1a mot nguyén ham cia ham sé f (X)=€"+2x thoa mén F(o)zg. Tim F(x).
AF(x)=e sxts>. B. F (x)=2¢" + X"~
C.F(x)=e +x+-. D. F(x)=e"+x*+

Huéng din giai
Chon D
F(x)zj(ex+2x)dx=ex+x2+c.
F(O):§C> e+Cc=>oc=t
2 2 2
F(x):e*+x2+%.

Cau 109: Cho hams6 f (X) thoa mén f'(X) =2018"In2018—cosx va f (0) =2 Phét biéu nao sau diing?

A. f(x):2018x+sinx+1. B. f(x)=li02%i8+sinx+1,
2018 ) )
= — 1 = X_

(x) 08 sinx+1. D. f(x)=2018"-sinx+1.

Huéng din giai
Chon D
Taco f(X) =I(2018X In 2018 cos x)dx = 2018* - sin x + C

Ma f(0)=2 < 2018° ~sino+c =2« C=1
vay f(x)=2018"—sinx+1,
Cau 110: Tinh [ (2+€”)*dx
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Cau 111:

Cau 112:

Céau 113:

Cau 114:

A. 3X+ie3x+le6X+C B. 4X+ie3x+§e6X+C
3 6 3 6
C.ax+2en Lo ic D. ax+2e¥ 4+ Lev s
3 6 3 6

Huéng din giai
3% 6X

Ta co: j(2+e dx j4+4e3x+e )dx 4x+4eT+?+C_

Chon D

Ham sb F(X)=€"+€ ™ +X 1a mot nguyén ham caa ham sb nao sau day?
A ()= +e'+1 B. f(x)=e —e +%x2
c. f(=e'—e"+1 D. f(x):e*+ex+%x2

Huéng din giai
Ta co: I(ex re +1)dx= e —e*+x+C.

Chon C
Ho nguyén ham cia ham sé (X) =& —e¥a:
e3x e—2x e2x e—3x
A —+—+C. B. —+—/+C.
3 2 2 3
e3x e—3x e—2x e3x
C. —+—+C. D. —+—+C.
2 2 3 2
Huéng din giai
e2x e—3x
Taco: |(e® —e*)dx=—+—+C.
Chon B
Ho nguyén ham caa ham sb f(X)=32 2% 1
32X 2—3X 32X 2—3X
A. + +C. B. - +
2.In3 3.In2 2.In3 3.n2
—2X 3x —2X 3x
C. 3 + 2 +C . D. 3 — 2 +C
2.In3 3.In2 2.In3 3.n2
Huéng din giai
5 s 32X 2—3X
Tacé: |(37*—27)dx= + +C
J( ) 2.In3 3.In2
Chon A
Tim nguyén ham ctia ham s6 f (x)=¢” (1+ e’x)
AI dx e +C. B. I dx e*+x+C.

CI dxe+e+C DI dx e*+C.

Huéng din giai
Chon B

Tacoj dx J'e +1 dx=e"+x+C.

Cau 115: F(X) Ia mot nguyén ham cua ham s§ y =xe*. Ham sé nao sau day khong phai 1a F(x)?
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A F(x)=Ze 42, B. F (x)=2(e” +5).

1 . 1 2
C. F(x)=-S¢" +C. D. F(x)_—E(Z—e )
Huéng din giai
Chon C

!

Ta thiy & d4p 4n C thi (_%exz +CJ _ _xe" % xe” nén ham sb & dap 4n C khong 1a mot nguyén

2
ham cia ham y=xe* .

7 X X \/;
Cau 116: Tim nguyén ham F(X) cia hamsé f(x)=2° (3 |
A (x)=12 —ZX\/;+C. B. F(x)=12"+xVx+C.
In12 3
c F(X)_z“ 3 xx 5 F(X)_sz 3 x/xIn4
' In2\ In3 4 | ' In2{ In3 4 '
Huéng din giai
Chon A
X
Taco f(X):ZZX(y—\ﬁX_j:lZX—\&
12 2x/x
Nén F(x)=|(12" —vx |dx=-"—"—— +C.
( ) j( \/—) In12 3
A e A s . 1a £ « 2018e™*
Cau 117: Tinh nguyén ham cia ham so f (x)=e [2017— - }
X
A. [ f(x)dx=2017¢" + 2018 ¢ B. [ f(x)dx=2017¢" + 045 . ¢.
X X
C. [ f(x)dx=2017e" - 045 ¢ D. [ f(x)dx=2017e" - 2018 ¢
X X
Huéng din giai
Chon B
x " . 504,5
[ (x)dx=[(2017¢" —2018x"°)dx = 2017¢" + —+C.
Cau 118: Tinh [ 237" dx
A 84’ +C B &+C C X D X
) anamn? . 84" +C . 84*In84+C
Huéng din giai
84"
Tacod: |23 7*dx=[84"dx=——+C.
J I In84
Chon A
e2x+1_2
Cau 119: Nguyén ham | de la:
eX
5 X 5 X
A. §e3 1—ge +C. B. §e3 1+Ee3 +C.
3 3
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5 §x+1 2 X §x+1 2 X
c.-e¥ ——e3+C. D. §e3 +—e3+C,

3 3 3 3

Hudng dan giai

Taco

2x+1 2x+1 w1 X X §x+ X §x+ X
J-esgzdxz_[ - X _ix X:J[ez l3—28 3jdX:J{93 l—2e 3JdX=Ee3 l+Ee3+C.

e et el 3 3

Chon D

Céu 120: Cho F(X) Ia nguyén ham ciia ham sé £ (x)= va F(O)z—%ln4. Tap nghiém S ciia

e’ +3

phuong trinh 3F(x)+|n(eX +3)= 2 la

A S={2. B.S={-22}. . S={12} D. S={-21.
Huéng din giai

Ta cé:F(x):J.exdj?):% [1—exe;3]dx=%(x—ln(ex+3))+C.

Do F(O):—%In4nén C=0.Vay F(X)=%(X—In(e*+3)).

Do do: 3F(x)+|n(ex+3)=2<:>x=2
Chon A
Cau 121: HaM s6 F (x) = %ew(gx2 ~24x+17)+C la nguyén ham cua ham s6 nao dudi day.
A f (x)z(x2 +2x—1)e3“1. B. f (x)z(x2 —2x—1)e3”1.
C. f (x)z(x2 —2x+1)e3“1. D. f (x)z(x2 —2x—1)e3x’1.
Hudng dan giai

Chon C

F'(x)= (%e“*l(gxz —24x+17)j = %{333*“ (9%® —24x+17)+e** (9x* — 24x +17)'}
_ 1
27
Cau 122: Cho hai hamsé F (x)=(x* +ax+b)e™ va f(x)=(-x"+3x+6)e™. Tim ava b d¢ F(x) lamot

367 (9x" — 24x+17) + €% (18x - 24) | = %e”*l(Z?xz ~54x+27)=e"" (x* - 2x+1).

nguyén ham ciia ham s6 f(X).

A .a=1,b=-7. B.a=-1,b=-7. C.a=-1,b=7. D.a=1,b=7.
Huwéng dan giai

Chon B

Tacod F'(x)=(—x2+(2—a)x+a—b)e’X = f (x) nén {z_azg {Z -1

= .
a-b=6 =-7
Cau 123: Cho F(x)=(ax’+bx—c)e™ Ila mot nguyén ham cia ham sé f (x) =(2018x* —3x+1)e™ trén
khoang (—o0;+%0). Tinh T =a+2b+4c.

A. T =-3035. B. T =1007. C. T =-5053. D. T =1011.
Hudng dan giai
Chon A
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Vi F(x)=(ax*+bx—c)e™ 1a mot nguyén ham cia ham s6 f(x)=(2018x*—3x+1)e”* trén

khoing (—o0;+0) nén ta c6: (F(X))' = f (), voi moi X&(—o0;+00).

& (2ax* +x(2b+2a) - 2c +b)e? =(2018x" —3x+1)e™, véi moi X &(—00j+20).

2a=2018 a=1009
ei2b+2a=-3 o Jpo 2021
2
—2c+b=1 2023
4

2021 2023
Vay T =a+2b+4c =1009+2. (—TJM.[—TJ = -3035.

Cau 124: Biét F(x)=(ax’+bx+c)e™ la mt nguyén ham cia ham s f (x)=(2x*~5x+2)e ™ trén R
Tinh gid trj cta biéu thae f [ F(0)].

A. —et. B. 20e?. C.~9e. D. 3e.
Hudng dan giai

Chon C
Taco
F'(x)=(ax" +bx+c),e’x+(ax2+bx+c)(e’x),=(2ax+b)e’x—(ax2+bx+c)e’X
F'(x)=[ -ax* +(2a—b)x+b—c Je”
Vi F(x)=(ax’+bx+c)e™ lamot nguyén ham cia ham sé f (x) =(2x* ~5x+2)e™ trén R nén:
F'(x)= (),VXe]R{<:>[—ax2+(2a—b)x+b—c]e’x=(2x2—5x+2)e’x,VXG]R
-a=2 a=-2
oq2a-b=-5<4b=1 .
b-c=2 c=-1
Nhu vy F (2x +x-1)e” = F(0)=(-20°+0-1)e® =-1.
Boi viy f[F )]=f(-1)=(2.1 +5.1+2)e=2.

DANG 7: NGUYEN HAM CO BAN BIET HAM f’(x)

Cau 125: Cho ham s y = f (x) théa man f'(x):ﬁ, f()=1. Tinh f(5)

A fG)=2n3+1. B f(5):%ln3. c. £(5)=In2. D. f(5)=In3+1.

Huéng din giai
Chon D

dx:%ln|2x—]4+c

Laico f(1) :1@%|n|14+c =leC=1= f(x):%ln|2x-]4+1.
Vay f(5)=In3+1
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Cau 126: Cho hams6 f (x) thoa min dong thoi céc dicu kién f'(x)=x+sinx va f(0)=1. Tim f(x).

2 2

A. f(x)=%—cosx+2. B. f(x)z%—cosx—Z.
2 2

C. f(x)=X—+cosx. D. f(x)=X—+cosx+1.
2 2 2

Huéng din giai
Chon A

2

Taco f'(x)=x+sinx= f(x)=%—cosx+c; f(0)=1<-1+C=1<C=2.

2

Vay f (x)=%—cosx+2.

Cau 127: Cho ham s6 f (x) théamédn f'(x)=3-5cosx va f(0)=5. Ménh dé nao dudi day ding?

A. f(x)=3x+5sinx+2. B. f(x)=3x-5sinx-5.

C. f(x)=3x—5sinx+5. D. f(x)=3x+5sinx+5.
Huéng din giai

Chon C

Taco f =J 3 5cosx dx =3x-5sinx+C .

Laico: f(0)=5«3.0-5s5in0+C=5<C=5.Viy f(x)=3x-5sinx+5.
Cau 128: Timhamsé y = f (x) biét f'(x)=(x"-x)(x+1) va f(0)=3.

4 2

A. f(x):XT+X7+3. B. f(x)=3x*-1.
4 2 4 2
C. f(x):XT—X?+3. D. f(x):XT—X?—&

Huéng din giai
Chon C
Taco f'(X)=(X"=x)(x+1) =x*+x* =X —x =x"-x.

3 X4 X2 N n X X
Suyl‘a f(X) I(X X)dX +C ma (0) 3&C=3 ay f(X)— +3

Cau 129: Cho ham'sé T () xiic dinh tren ®' Y thoa man /() =

i 8= 10)=1(-1)

x—1"

A S=4. B.S=In2. C. S=1n4035. D. S=1.

Huéng din giai
Chon D

Tacoj X)dx = j—dx In(|x-1)+C.

Theo gia thiét f (0)=2017, f(2)=2018 nén {f (X)='”(|X—1|;+2017 khix <1

f(x)=In(|x-1

Dod6é S=f(3)-f(-1) =In2+2018-In2-2017 =1.
f

Cau 130: Cho ham sb (x) xac dinh trén R\{-2) thoaman f'(x)= 2
+

£(2)+ f(-3)

tri ctia biéu thic bang

3x-1 f(0)=1_, f(-4)=2

+2018 khix>1"
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A. 3-20In2. B.In2. C. 12. D.10+In2.
Huéng din giai
Chon C
i - 3(x+2)-7
Taco f(x):jgx 1dx:I¥dx:J‘ 3—L dx
X+2 X+2 X+2

3x=7In(x+2)+C,, x> -2

3x-7In(-x-2)+C,, x<-2

Xét trén (-2;+),taco f(0)=1<30-7In2+C, =1 C =1+7In2

= f(2)=32-7In4+(1+7In2) =7-7In2.

Xét trén (—o0;—2),tacéd f(-4)=2<3.(-4)-7In2+C,=2<=C,=14+7In2
= f(-3)=3.(-3)-7In1+(14+7In2) =5+7In2.

Do dé f(2)+ f(-3)=12.

:3x—7ln|x+2|+C :{

Cau 131: Cho ham s6 f (x) xdc dinh trén R\ {~1} thoa man f'(x) :il; F(0)=Lvaf(1)+f(-2)=2,
X+

Giatri f (—3) béing
A. 2+In2. B.1+2In2. C.1-In2. D. 1.
Huéng din giai

Chon D

. 3
Taco: f(x)=|f'(x)dx=|——dx=3In|x+1+C

(x) I (x)dx -fx+1 X |x+1]+

+) V6i x> -1= f(x)=3In(x+1)+C,
Taco: f(0)=1eC =1= f(1)=3In2+1
+) V6i x<-1= f (x)=3In(-x-1)+C,
Taco: f(-2)=3In1+C, =C,
T f(1)+f(-2)=2¢3In2+1+C, =2 C, =1-3In2
= f(-3)=3In2+1-3In2=1.

CAu 132: Cho ham sb f (X) xac dinh trén R\{O} thoa manl f’(x) =

Gid tri cua bieu thiue f (-2)+ f(2) bang

A.27f7+4ln2. B. %+4In2. C. 4In2. D.%+4In2

Huéng din giai
Chon A
Taco
f’(x):x+g+i3
X X
1., 1
f(x):Ex +2Inx-—+C, (x>0)
N X
f(x):%xuzun(_x)_i

2x2+C2 (x<0)
Theo giai thiét
f(1)=2=C,=2va f(-1)=1=C, =1
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Vay f(x):%x2+2Inx—§+2 (x>0) va f(x):%x2+2In(—x)—21?+l (x<0)

Tir do suy ra f(—2)=§+2|n2 va f(2)=%+2|n2

= f(-2)+ f(2)=2+4mn2.
Cau 133: Ham so f (x) xdc dinh, lién tyc trén R va c6 dao ham la f'(x)=|x-1]. Biét rang f (0)=3.
Tinh f(2)+ f(4)?
A. 10. B. 12. C. 4. D. 11.
Huéng din giai
Chon B
Tach f(x)= x-1 khi x2>1
()=1_(x-1) Kkni x<t

2

Khi x>1 thi f(x)=j(x—1)dx=x?—x+cl.

2

Khi x <1 thi f(x):—j(x—l)dx:—(x?—xJ+Cz.

2
= f( ):—(?—xj+3
Theo dé baitacé f(0)=3 nen &2 =3 khi x <1.
Mit khic do ham so6 f(x) lién tuc tai x=1 nén limf(x)=Ilimf(x)="f(1)

x—1" x—1"

2 2 1 1
e lim| -] Z—x|+3|=1im|| 2 ~x +C, || =-1|+3==-1+C, & C =4.
X1 2 x—1" 2 2 2

2

Vay khi x>1 thi f(x)zx?—x+4:> f(2)+f(4)=12.
Cau 134: Biéthams6 y = f (x) c6 f'(x)=3x*+2x—-m+1, f(2)=1 va do thiciahamsb y= f (x) cit

truc tung tai diém c6 tung d6 bang -5. Ham s f (x) Ia

A xX*+x*-3x-5. B. xX*+2x*-5x-5. C.2X+x*-7x-5. D. x*+x*+4x-5.

Hwéng dén giai

Chon A

Taco f(x)=j(3x2+2x—m+1)dx=x3+x2+(1—m)x+C.
f(2)=1  [2(1-m)+C+12=1 {m:4

= =
f(0)=-5 |C=-5 C=-5

Cau 135: Cho ham s6 f (x) xac dinh trén R\{-2;1} théa mdn f’(x)—; va f(-3)-f(3)=0.

Theodébéi,tacé{ :>f(x):x3+x2—3x—5

X2 x-2
Gia trj ctia bicu thie f (—4)— f(4) bing
A 0. B. —llnz. C.llnz. D.llns.
3 3 3
Hudng dan giai

Chon B
Taco: f'(x)=— . _ 1 :l( 1 1 ]

X +x-2 (x-1)(x+2) 3(x-1 x+2
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Céau 136:

Suy ra: f(x):J' f’(x)dx:%In|x—]4—%ln|x+2|+c

%In(x—l)—%ln(x+2)+cl khi x>1
= f(x)= %In(l—x)—%ln(x+2)+cz khi —2<x<L.
1

gln(l—x)—%ln(—Z—x)+CS khi x<-2

Ma f(—3)—f(3):0:>lln4+c —lln2+lln5—c =0=C.-C :—lan—llnS.
3 3 3 ! 3 3

= f(-4)-f (4):%In5—%ln2+03—%In3+%ln6—c1 :—%Inz.

Cho hamso f (x) x4c dinh trén R\{-L1} vathéa mdn f'(x)= le T Biét rang

£(-3)+ £(3)=0 va f(—%}f@:z. Tih T = £ (<2)+ £ (0)+ f (4),

A.T:1+Ing. B.T:1+In§. C.T:1+£Ing. D.T:1+£|n§.
5 5 ) 25 25

Hwéng dan giai
Chon C
Céch 1:

dx 1, (x-1 1, x-1
Trén kho3 —o0;=1)uU(L40): f(X)=| f'(X)dx = =—In|—+C, ==In—=+C
ang (o0 =) (L+90) - F(X) I % sz—l 2 |x+1 x+1

Trén khoang (-1,1): f(x)=If'(x)dx:j o =1In|x_1|+C2:1In1_—X+C2.

x2-1 2 |x+1 2 x+1

f(-3)+f(3)=0

N . |G, =0
Theo dé 1 1 nén :
((-g)e(z)2 " e

Lin 221 whi x e (o0 -1) U (1 400)
Suyra f(x)= i i‘”
==X +1 khi x e (-11)
2 x+1
ST =f(2)+ f(0)+f(4)=2n3+imir1s 31t
2 2 25 25
Céach 2:
1 |x-1
Véi moi x # +1, ta co: f(x)zjf'(x)dx :j%dx=—ln—+c
x° -1 2 |[x+1

Vi ham sé ¢é dao ham tai moi diém thudc R\{—l;l} nén ham sé /ién tuc trén cac khodng
(-0;-1), (-L11), (L+).
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n*tic x<-1

x+1
1-x
Do do: f (X) =1In—+C,,-1<x<1
x+1
InX—_1+C3, x>1
x+1
1
f(-3)+f(3)=0 - =
o (-3)+1(3) IN2+4C+IN>+C=0 e o g
Theo gid thiet: 1 1 = 1 c -1
f(‘}]”(}jzz IN3+C, +InZ+Cy =2 1727
. 3 9
Vay T="f(-2)+f(0)+f(4)=In3+C, +In1+C, + Ing+C3 =1+In=
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PHUONG PHAP DOI BIEN
1. Poi bién dang 1

Néu : I f (x)dx =F(x)+C vavsi u=g(t) laham s c6 dao ham thi :

[ f(u)du=F(pt)+C
1.1. Phwong phap chung

e Buoc 1: Chon x=¢(t), trong d6 ¢(t) la ham s6 ma ta chon thich hop .
e Buoc 2: Lay viphan hai vé : dx=¢'(t)dt

e Buoc 3: Biénddi: f(x)dx=f[o(t)]e'(t)dt=g(t)dt

e Buoc4: Khido tinh: | f(x)dx = [g(t)dt=G(t)+C.

1.2. Céc dau hiéu doi bién thwong giap

Dau higu Céch chon
bit x =|alsint ; Vi te[—z;z}.hoac x =a|cost ;
a? —x* 2 2
VoI te[O;ﬂ].
it x=|_i|t.;v<'yi te[—%;ﬂ\{o} hoic x:%
sin
Jx?—a?
VoI te[O;ﬂ]\{z}.
2
it x =|a|tant ; véi te(—z;zj.hoéc x =[a|cott
/a2+X2 2 2
VoI tE(O;ﬂ').
ﬂ. hoac ﬂ. bat x =acos2t
a—x a+x
(x—a)(b—x) Pit x=a+(b—a)sin’t
> 1 5 bat x = atant ; voi te(—z;zj.
a“+x 2 2

2. Poi bién dang 2

Néu ham s6 f(x) lién tuc thi dit x =¢(t). Trong d6 ¢(t) cling véi dao ham cua n6 (¢'(t) Ia nhiing
ham s lién tuc) thi ta duoc :

[f0gdx=[to(t)]e'(t)dt=[g(t)dt=G(t)+C.
2.1. Phuong phap chung

e Buoc 1: Chont=¢(x). Trong d6 ¢(X) la ham sb ma ta chon thich hop .
e Buoc 2: Tinh vi phan hai vé : dt=¢'(t)dt.

e Buoc 3: Biduthi: f(x)dx=f[p(t)]e'(t)dt=g(t)dt.

e Busc4:Khids: | =[f(x)dx=[g(t)dt=G(t)+C

2.2. Céc dau hiéu doi bién thwong gap :
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Dau higu Céch chon
Ham sd mau s ¢co t 1a mau sd

Ham sb : f(x;m) t=o(X)

. a.sinx+b.cosx
Ham f(x): - t:tani;(cosé;toj
c.sinx+d.cosx+e 2 )
Ham f(x): 1 Vé6i: x+a>0va x+b>0.
(x+a)(x+b) bat: t=vx+a++x+b
Véi x+a<0 va x+b<0.
Pit: t=+v-x—a+vJ-x-b
BAI TAP

HUONG DAN GIAl
DANG 1: PHUONG PHAP TiNH NGUYEN HAM BANG CACH PUA VAO VI PHAN

Caul. Chohamsé f(x)= XZZ 7 Khi do:
A [ £ (x)dx=2In(1+x*)+C. B. [ f(x)dx=3In(1+x*)+C
C. j X )dx = 4In )+C. D. If( Jx = In(1+x2)+C.
Huéng dan giai
Ceoxdx pd(xP+1
Ta co: Ix2+1:j X2+1):In‘x2+J4+C.
Chon D
N n N N N z 2+X N
Cau 2. Ho nguyén ham cia hamso f(X)=——— la:
X°+4x—-4
A. %.In‘x2+4x—4‘+c. B. |n\x2+4x—4\+c.
C. 2|n\x2+4x—4\+c. D. 4|n\x2+4x—4\+c.

Huwéng dan giai
d(x*+4x+4
x+2 b d ) 1

Ta co: I— === _—.In‘x2+4x—4‘+C.
X +4x-4 2 X +4x+4 2
Chon A
. Y x|
Céu 3. Ho nguyén ham cia hamso f(x)=— n la:
X3 +
A. 3|n\x3+4\+c B. —3|n\x3+4\+c
C. |n\x3+4\+c D. —|n\x3+4\+c

Huéng din giai

d(x®+4
Ta co: ng o =[— ):In‘x3+4‘+c
x3+4 X°+4
Chon C
3
Cau 4. TinhF(x)= I4X—dx
X" -1
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1
A F(x)=In|x-1+c B. F(x):zln‘x“—l‘+c
1 1
C. F(x):EIn‘x“—l‘+C D. F(x):§|n\x4—1\+c
L X lpd(x-D) 1,
Ta co: J.X4_1dx—zj‘ﬁ_zln‘x —ﬂ+C
Huéng din giai
L X lpd(x D) 1,
Ta co: J.X4_1dx—zj‘ﬁ_zln‘x —ﬂ+C
Chon B _
Cau 5. Ho nguyén ham caa ham sé f () = SINX_ 1
cosx—3
A. —In|cosx—3[+C B. 2In|cosx—3[+C

c _In|cosx—3|+C

Huwéng din giai

sin x dX:J-—d(cosx—B)

Tacé:j
Cosx—3 cosXx—3

=—In|cosx-3/+C

Cau 6.  Nguyén ham cua ham sé: y = sin®x.cosx la:

D. 4Injcosx—3|+C

A. %cos4x+C. B. %sin4x+C. C. %sin3x+c. D. —cos*x+C.
Huéng din giai
(i3 - . sin® x
Ta co: Ism x.cosx.dx=jsm x.d (sm x)= +C.
Cau 7. Tinhjcos X.sin? x.dx
A 3smx—sm3x+c B. 3cosx—c053x+c
12 12
sin® x )
C. +C D. sinx.cos’ x+C
Huéng dan giai
sin® x
Ta co: Icos X.sin? x.dx = J‘sin2 x.d (sinx)= +C

Cau 8. Ho nguyén ham cua hamsb f (x)=tanx la:
A. In|cosx|+C B. —In|cosx|+C

tan® x
C.

+C D. In(cosx)+C
Huwéng din giai
sinx.dx _J- d (cosx)

Ta co: Itanx.dx=f =—In|cosx|+C
COS X COS X
. AL « 2 e”
Cau 9.  Ho nguyén ham cia hamso f(x) =— 3 la:
e’ +
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A. —e*-3+C B.3*+9+C
C. -2In e*+3\+c D. In e*+3\+c
Huéng din giai
X d(e*+3
Tacé:j ¢ dx:jgzlnex+3‘+c
e*+3 e*+3
Chen D
Cau 10. Ho nguyén ham cua hamsé f(x) =2x2* la:
AL ¢ B. L2 4C c.n2 ¢ D. In2.2 +C
In2.2* In2 3 2%
Hwéng dan giai
Taco: [2x.2" dx:ijzx.zxz.lnzzijd (zxz)zi.zxz +C
In2 In2 In2
Cau 11. Ho nguyén ham cua hamsé f(x) =2xe* Ia:
A ic. B.E iC.
2 2
C. e"+C. D. e’ +C.

Huéng dan giai
Ta co: .[Zx.exzdx :J'd (eXz ) —e“ +C.
Chon D
Cau 12. Tinh I x.e* "dx
1

A e iC. B. Eexz +C.
C. 1ex2+1+C. D. 1ex2‘1+C.
2 2

Hwéng dan giai

Cau 13. Tim nguyén ham ciia ham s f (x) :InTx_
A. If(x)dx:ln2x+C. B jf(x)dx—%ln2x+c
C. If(x)dx:lnx+C D. If(x)dx:eX+C
Huwéng dan giai

Chon B
Tacod If(x)dx:jlnxd(lnx) :%In2x+C.

1+)I(n X dx(x > 0) bang

Cau 14. Nguyén ham j

A. %In2x+lnx+c. B. x+In’x+C. C.In°x+Inx+C. D. x+%|n2x+C.

Huéng din giai
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Taco jl””xd —j dx+ j'”—xdx —jidx+j|nxd(|nx)=|nx+%|n2x+c.

Cau 15. Ho nguyén ham caa ham sé f (x) = 2leln(x2 +1) la:
X
A %Inz(x2+1)+C B. In(x*+1)+C
1 2 2 1 2 2
C Eln (x*+1)+C D. Eln (x*+1)+C
Huwéng dan gi{ui
Ta co: j In(x +1)dx = [In(x* +1) d(In(x* +))=2 Lineoe +1y+c
Chon D
Cau 16. Tth'
X.In x
A. Inx+C B. In|x|+C
C. In(Inx)+C D. In|Inx|+C
Huéng dan giai
(Inx)
Ta co: I —I =In|inx/+C
x.In x In x
Chon D

Cau 17. Ho nguyén ham I x3/x? +1dx bang

A %.ﬂ(x2 +1) +C. B. g.él(xz +1)+C. C. 2.3 (x> +1)* +C. %ﬂ(x +1)* +C.
Huwéng din giai
Chon C

3 4
Taco | x3/x*+1dx == x+13dx+1 x*+1)3+C = x*+1) +C.
[ o= =31 v e
DANG 2: PHUONG PHAP TINH NGUYEN HAM BANG CACH POI BIEN SO

Neuj x)dx = F (X )+Cthijf[u (x)]u'(x)dx=F[u(x)]+C.

Gid sir ta cin tim ho nguyén ham | = [ f (x)dx, trong d6 ta co thé phantich f (x) =g (u(x))u’(x)
thi ta thuc hién phép doi bién sé t=u(x), suy ra dt=u'(x)dx.

Khi d6 ta dwoc nguyén ham: [g(t)dt=G(t)+C =G[u(x)]+C.

Chu y: Sau khi tim dugc ho nguyén ham theo t thi ta phai thay t=u(x).

HAM DA THUC, PHAN THUC

Cau18. Cho [ f(x)dx=F(x)+C. Khido véia=0,taco [ f(ax+b)dxbing:

A.ZiaF(ax+b)+C B. aF(ax+b)+C

C.éF(ax+b)+C D. F(ax+b)+C

Huwéng din giai
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Taco: | :j f (ax+b)dx

Pat: t = ax+b = dt = adx = ~dt = dx.
a

1 1
Khido: | ==| f(t)dt==F(t)+C
06 1=2[ 1 (Dat=2F (1)

Suy ra: | :éF(ax+b)+C
Chon C
Cau19. Hamsd f(x)=x(1—x)" c6 nguyén ham Ia:
12 11 12 11
A F =0 ) o B. F(g =00 O ¢
12 11 12 11
it _ n\1o it _ 10
c. =D (XD o D Foy=&=D (XD o
11 10 11 10
Huéng din giai
Ta co: | =Ix.(1—x)1°.dx. bat: t=1-x= —-dt=dx,x=1-t.

Khido | = [(t-1)£°dt=[ (" —t*).dt = L L

12 11
Suyra | == (1-x)* - = (1-x) 4 C
12 11 '
ChonA
Cau 20. Tinh j ) thu duoc két qua a:
A. In|x|(x*+1)+C. B. In|x|\/1+x2 +C.
X X’
C.In——+C. D. = In +C.
W1+ X2 2 1+X
Huéng din giai
Ta co: I I . bat: t:1+x2:>1dt:x.dx,x2:t—l.
(1+x )X 1+x )x 2
2
Khidoé: | = 1 1 :—I :iln X =|+C.
2 t 1+Xx
Chon D
Cau 21. Tinh‘|‘x(x+1)3 dx la:
1)° 1)° 1)° 1)°
LS CEE 5 D) (e
S 4 5 4
5 4 2 5 4 2
C. XL X ¢ D. X—+3L—X3+X—+C
5 4 2 5 4
Hwéng dan giai
Taco: | =Ix(x+1)3dx
bat: t=x+1=dt=dx,x=t-1
: t t
Khido: | =|(t-1)t°.dt= dt=| ——— |+C
e e ey
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5 4
Suy ra: I:(le) —(X+1) +C

4
Chon B
Cau 22. Xét | = j x* (4x* - 3)5dx . Bang cach dit: u=4x" -3, khing dinh nao sau day ding?

A.I:%J'usdu. B.I:éjusdu. C.I:Iusdu. D.I:%J'usdu.

Huéng din giai
Chon A

u=4x*-3=du :16x3dx:%du = x%dx.
= | :ijusdu.
16

Cau 23. Cho [2x(3x—2) dx=A(3x—2)’+B(3x-2)'+C véi A, B €Q va C e R. Gi4 trj cua biéu
thirc 12A+ 7B bang

=N B. 241 c. 2 p. .
252 252 9 9
Huéng dan giai
Chon D
Détt:3x—2:>x:%:>%dt:dx.
2t 4+t
Ta co: —jﬂtdt— j(t7+2t6)dt=—.t—+—.t—+c:i.(sx—2)8+i.(3x—2)7+c.
9 98 97 36 63
Suyra A:i, B:i, 12.i+7.izz.
36 63 36 63 9
Cau 24. Nguyén ham cﬁaj' 2X dx la:
X“+1
A. Inlt|+C, véi t=x*+1. B. —Injt|+C, v6i t = x* +1.
C. %In|t|+C,v<’yi t=x"+1. D. —%In|t|+C,v<’yi t=x"+1.

Huéng din giai
bit t = x? +1= dt = 2xdx .
X 1¢1 1
= dx=..==|=dt==Inft|+C.
J'x2+1 th 2 ||

Chon C
HAM CHUA CAN THUC

Cau 25. Tim ho nguyén ham cia hamsé f (x)=+2x+3

A [ F(x dx:—x\/2x+3+C B. [ f(x 2x+3)\/2x+3+C.
C. [f(x 2x+3)\/2x+3+C. D. [ f(x)dx=+v2x+3+C.

Huéng din giai
Chon B

Xét | :I(\/2x+3)dx.
Pit V2x+3=t < t? =2x+3 < 2tdt = 2dx.
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Cau 26.

Cau 27.

| = [ttdt=[t*dt :%t3+C :%(\/2x+3) +C e [f( dx_3(2x+3)\/2x+3+C.
Ham s F(x) nao dudi ddy 1a nguyén ham ctia ham s6 y =3/x+1?

F(X)=2(x+1) +C

A 8 . B. F(x)==/(x+1)"' +C.

(x+1)3 +C.

J>|oo oolb

C. F(x) =2 (x+)¥x+1+C. D. F(x)=

Huéng din giai
Chon C
Taco: | :j\3/x+1dx.
Pat: t=¥x+1 =t*=x+1 = 3t’dt = dx.

= | :It.3t2dt :I3t3dt :%t4+C :%3 (x+1)4 +C :%(x+1)\3/x+1+c.

Vay F(x) :%(x+1)\3/x+1+c :

, 1
Tim ho nguyén ham cua hamso f(Xx)= .
© nguyen ham cia ham o (x) =22
A [ (x \/2x+1+C B. [ f (x)dx=v2x+1+C.
1
C. | f(x)}dx=2v2x+1+C. D. dx— +C
I (x)d J. (2x+1)v2x+1

Huéng din giai
Chon A

Pt V2x+1=t = 2x+1=1t%> = dx =tdt.
Khldotacoj N2X+ dx—— tf:—tzz—jdt——t C—Z\/2x+1+C

Cau 28. Mot nguyén ham caa ham so: f(x) = xv/1+x? Ia:
3 2
A F(x):%(\/l+x2) B. F(x):%( 1+x2)
2 2 2
C. F(x)=X?(\/1+x2) D. F(x):%( 1+x2)
Huéng din giai
Taco: | :Ix\/1+ x? dx
Dit: t =1+ x* = t° =1+ x* = t.dt = x.dx Khi d6: I—Ittdt—ft dt=§+C
Suy ra: | :%(\/hxz) +C
Chon A
Cau 29. Ho nguyén ham cua ham sé f(x) = 2xy1-x* la:
1 3 3
A. = (1-x*) +C B. —/(1-x*) +C
SV(-x) (1-¢)
2 3
C. 2/(1-x?) +C D. —2J(1-x?) +C
(=) )
Hwéng dan giai
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Taco: | =I2x\/1—x2dx

Pit: t =vV1-x* = t? =1-x* = -2tdt = 2xdx .

Khi do: 1 =jt.(—2t).dt =j—2t2.dt ——%+ K

Suy ra: | :—é (1—x2)3 +C.

Chon D
Cau 30. Ho nguyén ham caa ham sé f(x) = x3/3x -1 a:

1, Y oL _1\° 1, IR 1\

A. 21‘/(3x 1) +15\/(3x 1) +C. B. 18 (3x 1) +12 (3x 1) +C.
1. 3 1./ s 1

C. 53(3X—1) +13[(3X—1)+C. D. 53(3X—1) +§1[(3X—1)+C

Huéng din giai
Tacod: | = j x33x—1dx . Dit: t=¥3x -1 = t* =3x 1= t2.dt = dx

7 5
Khi dé: l_jﬂtt dt = —f (t°+ dt——(%+t§]+C

Suyra | :%(73/(3x—1)7 +g$/(3x—1)5j+c.

Chon A
Cau 3L Cho I = [x*\x*+5dx, dat u=~x"+5 khid6 viét | theo u va du ta dugc
Al :I(u“—Suz)du. B. | :qudu. C. | :I(u4—5u3)du. D. | :I(u4+5u3)du.
Huwéng din giai.
Chon A

Pit u=+x*+5 = u® = x* +5= udu = xdx

Khi dé: | =Ix3\/x2 +5dx =Ix2.x.\/x2 +50x :I(u2 —5).u.udu :I(u4 —5u2)du

4
Cau32. Cho I =[x1+2xdx va u=+/2x+1. Ménh dé nio dusi day sai?
0
13 3
A. I:ijz(xz—l)dx. B.l= juz(u —1)d
1 1
5 3 3 3
Cor=ifL_ U D. |=lju2(u2—1)du.
25 3, 27
Huéng din giai
Chon B
4
| :J'x\/1+ 2xdx

bat u=+v2x+1 :x—z(u —1):>dx udu, doican: x=0=u=1, x=4=u=3.

Khi d6 | zli(uz—l)uzdu
> .

1

Cau 33. Kbhi tinh nguyén ham I X3 dx, bang cach dit u=+/x+1 ta duoc nguyén ham nao?

Mx+1
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A. j2u(u2 —4)du. B. j(u2 —4)du. C. jz(u2 —4)du. D. j(u2 —3)du.
Huéng din giai
Chon C

dx = 2udu
Dat u=+/x+1, u>0 nén u2=x+1:>{ e
X=U"—

u?-1-3
Khi do6 2udu ={2(u®—4)du.
5
Cau 34. Tinh tich phan: | :J.L dugc két qua | =aln3+bIn5.Tong a+b la
1 XA/3x+1
A 2. B. 3. C. -1. D. 1.
Huéng din giai
ChonD
_J.x\/3x+
y u®-1 1
bat u=+/3x+1 > Xx= i —§2udu
Poican: x=1->u=2 x=5->u=4
4 4 1— -1 14
Vay | :Izidu :IIH—(U) u= nu—1 :In§—lnl:2ln3—ln5
Sul=1 5 (u+1)(u-1) u+l, 5 3
Doddé a=2; b=-1 »>a+b=1.
3
Cau 35. Ho nguyén ham ciia ham s f (x) = X i
1-x

C. %(x2 +1)\/1—x2 +C D. -=

Huwéng dan gi i

)1x+C

A. %(x2+2)\/1—x2+c (x +1) 1-x*+C
(
al

Taco: I—J.—dx

Vi-x?

bit t =y1-x* = t? =1 x2:>—tdt:xdx

Khi do: 1 =—[ L=t = [t 1dt———t C.
ido: I I( ) 3 +
I 3
Thay t = v1—x? taduocl—( _X) —V1-x2+C=- 3(x +2)V1-x* +C.
Chon D

HAM LUONG GIAC

Cau 36. Theo phuong phap doi bién s6 voi t =cos x,u =sinx, nguyén ham cua | = [(tan x+cot x)dx la:
A. =In|t|+Inju|+C. B. Int|—Inju|+C.
C. Inft|+Inju[+C. D. —Inft|~Inju|+C.
Huéng din giai
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Tt o % [

Xét Ilzj%dx.}){u t =cos x = dt = —sin xdx = Ilz—j%dtz—ln|t|+cl.
Xét I, :jz?%dx.})at u=sinx=> du =cosxdx = I, =j%du=ln|u|+C2.
=1 =1+1,=—Inft|+Inju[+C

Chon A

R
Biét F(x) la mot nguyén ham cua ham sé f(x)=sinx.cosx va F(O)_”.Tinh 2),

Cau 37.
F(%j:_ﬂ T T 1 ) 1
A . B. F(—]:ﬂ. C. F(—]:——+ﬂ. D. F(—jz—-l-ﬂ'.
2 2 4 2 4
Huéng din giai
Chon D
biat t =sin x = dt = cos xdx..
F(x):j f (x)dx :jsin3 X COS Xdx :It3dt =ﬁ+C :sin“ XiC.
4 4
-4 =4
F(O):ﬁ :>Sm4”+C=7r &SC=r= F(X)zsm X+7r.
. T
sin* =
2.1,
2 4 4
Cau 38. Tim nguyén ham jﬂdx Két qua la
VJ1+sin? x
/ a2
A. $+C. B. v1+sin’x+C. C. —V1+sin’x+C. D. 2J1+sin’x+C.
Huwéng din giai.
Chon D
bit t =+/1+sin’ x
= t* =1+sin® X = 2tdt = sin 2xdx = jﬂdx zjgdt
V1+sin? x t
= [2dt =2t+C = 2y1+sin’ x +C
o f s 2sin X +2C0s X
Céau 39. Theo phuong phap do6i biénso (x —t), nguyén hamcua | = dx la:
phuong phap (x—>1), nguy | Tsnax
A. 23t +C. B. 63t +C. C.33t+C. D. 123t +C.
Huwéng dan giai
Ta co:
i 2(sin X+ cos X
| ZJZS;n x+.2cosde: ( )de
V1-sin2x i/(sin X —COS X)
bat t =sin x—cosx = dt =(sin x+cos x) dx.
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1
t34+C=63%t+C.

==

2 1
j dt=2.
—
Chon B

HAM MU -LOGARIT

2,x341

Cau 40. Tim ho nguyén ham cia hamsé f (x) = x’e

A I(—t‘5+2t‘3—%]dt :%t‘4—t‘2—ln|t|+C. B. [ f(x)dx=3e""+C.

3
C. jf(x)dx:%exs+1+c. D. If(x)dx=%ex3+1+c.

Huéng din giai

bat t =x° +1= dt = 3x’dx
Do do, ta co jf(x)dx:szexsﬂdx ZIet-ldtzle‘+C _lgea o
3 3 3 '

Vay j f (x)dx:lexs”+C .

3
A . A s dx
Cau 41. Tim nguyén ham | :j ~.
l+e
Al =x-Infl-¢’[+C. B. I =x+Infl+e*[+C.
C. I =—x-Inft+e’|+C. D. I =x-Infl+e*|+C.
Huéng din giai
dx e*dx
l=[— = .
1+e* Je'(1+e)
bat t=¢" = dt =e’*dx
I :I edx :I dt :I(l—i): Inft|~Injt+1]+C =Inle*|-In ex+1‘+C =x—In ex+1‘+C
e (1+e*) “t(d+t) t t+1
A - , I TR T ~ \ In2x .
Cau 42. Véi phuong phap doi bien s6 (x —t), nguyén ham j—dx bang:
X
A. %t2+C. B.t*+C. C. 2t°+C. D. 4t°+C.
Huéng din giai
bat t:|n2X:>dt:2.idX:>dt=£dX.
2X X
:jmdx:...:jtdt:£t2+c.
X 2
Cau 43. Ham sb nao dudi day 1a mot nguyén ham cua ham sb y = 2°".2°°* (cos x —sin x) ?
_ ~sinx+cosx 25inx.2cosx ) 25inx+cosx
A Y=2 +C B.y=———. C. y=In2.2"""* D, y=— +C.
In2 In2
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Huéng dan giai
Chon B
Taco: | :IZS‘“X.ZC"SX(cosx—sin X ) dx :IZS‘”“C"SX(cosx—sin X)dx..

bat: t=sinx+cosx = dt =(cosx—sinx)dx.

t Sin X+C0S X sinX ~CoSX
:>|=j2tdt=2—+c:=2 c=22 .c
In2 In2 In2
, , sinx 2cosx
Vay ham so6 da cho ¢6 1 nguyén ham la ham so: y = W
nh2 . . . A A s N
Cau 44. Chohamsé f(x)= y A \/, Ham s6 nao dudi day khéng la nguyén ham cia ham so f (x) ?
X
A F(x)=2"+C. B. F(x)zz(zﬁ—1)+c.
C. F(x):2(2ﬁ+1)+c. D. F(x)=2""+C.
Huwéng dan giai
Chon A
Céch 1: it t =/x = 2dt == d.
Jx
Jx
F(x) =] f(x)dx :jz N2 i =[22.In2dt=22"+C = 2.2+ C nén A sai.
Jx
Ngoai ra:
+D ding vi F(x) =2.2" +C.
+Bdang vi F(x)=22%-2+C=22"+C".
+Cdang vi F(x)=22%+2+C=22"+C".
Céch 2: Tathiy B, C, D chi khéc nhau mot hing s6 nén theo dinh nghia nguyén ham thi chiing
phai la nguyén ham caa cung mot ham s6. Chi con minh A “ I¢ loi” nén chac chan sai thi A sai
thoi.
Céch 3: Lay cac phuong an A, B, C, D dao ham ciing tim duoc A sai.
Cau 45. Nguyén ham cua f (x) = L+Inx la
X.Inx
jl+lnx =In[inx/+C. jl+lnx In‘xz.lnx‘+C.
X.In x X.In x
C. jl+lnx =In[x+Inx+C. jl+lnx =Inx.Inx|+C.
X.In x X.In x
Huéng din giai
Chon D
1+Inx
Taco | =| f(x)dx= dx.
j ( ) I X.Inx
pat xInx=t = (Inx+1)dx=dt. Khido taco | :jl+llr:] X dx :J'%dt =Int|+C =In|x.Inx/+C
x.In x
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PHUONG PHAP NGUYEN HAM TUNG PHAN

Cho hai ham s6 u va v lién tuc trén doan [a;b] va cé dao ham lién tuc trén doan [a;b].

Khi dé:judv = uv—Ivdu. (*)

Pé tinh nguyén ham I f (x)dx bang ting phan ta lam nhu sau:

Budc 1. Chon u, v sao cho f (x)dx=udv (chdy dv=v'(x)dx).

Sau d6 tinh v =[dv va du=u"dx.

Buéc 2. Thay vao cong thic (*) va tinh j vdu.

Chu §. Cén phai lya chon va dv hop Ii sao cho ta dg dang tim dugc v va tich phan [vdu d tinh hon [udv
. Ta thuong gap cac dang sau

e Dang 1. | :jP(X){Sm X}dx, trong d6 P(x) la da thuc.u
COS X
u="P(x)
V6i dang nay, ta dat {sin x} :
dv = dx
COS X
e Dang 2. | = [P(x)e™*dx, trong d6 P(x) la da thic.
) u="P(x)
Vi dang nay, ta dat :
dv = e™*°dx

e Dang 3. | :IP(X)In(mx+n)dx, trong d6 P(x) la da thurc.
u=In(mx+n)

Véi dang nay, ta dat
e nay {dv:P(x)dx

sinx |
e Dang 4. | :j{cosx}e dx .

sin x
U=
Vi dang nay, ta dat COSX |.
dv = e*dx

BAI TAP

HUONG DAN GIAl
DANG 1.
Cau 1: Nguyén hamcuahamso f (x)=xsinx la:
A. F(x)=-xcosx—sinx+C. B. F
C. F(x)=-xcosx+sinx+C. D. F(
Huéng din giai

(x):xcosx—sin x+C.
x):xcosx+sin x+C.

Chon C
Taco: | :I f (x)dx:jxsin xdx.
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_ lu=x , [du=dx
bat . Taco .
dv =sin xdx V =—CO0S X

| :I f (x)dx:jxsin xdx:—xcosx+Icosxdx:—xcosx+sin x+C.

Cau2: Biét Ixcostdx:axsin 2x+bcos2x+C vé6i a, b 1a cac sd hitu ti. Tinh tich ab ?
A. ab:l. B. abzl. C. ab:—l. D. ab:—l.
8 4 ) 8 4
Hwéng dan giai
Chon A
du =dx
u=x
bat = 1.
{dv:c032xdx V:ESIn 2X
. a, 1 . 1¢. 1 . 1
Khi do Ixcostdx:—x3|n2x——IS|n2xdx:—xsm2x+—c032x+C
2 2 2 4
=a zl, b= l
2 4
1
Viy ab==.
ay 3
Cau 3: Nguyén hamcua | =Ixsin2 xdx 1a:
A. 1(Zx2 —xsin 2x—cost)+C . B. 1c032x+1(x2 +xsin 2x)+C .
8 8 4
C. %(xz—%coﬂx—xsin 2x]+C. D. Pap 4n A va C dung.
o Huéng din giai
Ta bién doi:
I :jxsin2 xdx:Ix(m]dx:ifxdx—ifxcoszmx e —EJ.XCOSZXdX+C1
2 2 2 4 2 ,
Il
I :IXCOSZde.
du = dx
u=x
bat = 1. .
{dv:c032x V:ESII’] 2X
=1 :J'xc032xdx:£xsin ZX—EJ'sin 2xdx :lxsin 2x+£c052x+C :
2 2 2 4
1(, 1 . 1/, .
= | ==| x* —=c0s2X — Xsin 2Xx +C:—(2x —2xsm2x—cost)+C
4 2 8
1 1, , .
:——0052x+—(x +xsm2x)+C
8 4
Chon C
Cau4: Tim nguyén ham | :I(x—l)sin 2xdx
1-2x)cos2x+sin2 2—-2x)cos2x+sin2
A.|:( X) X+3l X+C. B.|:( X) X+Sl X+C
2 2
(1—2x)c032x+sin 2X (2—2x)c052x+sin 2X
C.l= +C. D. I = +C
4 4
Huwéng din giai
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Chon D
du = dx
u=x-1
bat . = 1
{dv:sm 2xdx V:—ECOSZX

Khi d6 | :I(x—l)sin 2xdx:—l(x—l)c032x+lj'c052xdx:—l(x—l)c052x+lsin 2x+C
2 2 2 4

Cau 5:  Tim nguyén ham Isin Jxdx

A. jsin\/;dx:icos\&+c. B. jsin\/;dx=—cos x+C.
2%
C. Isin\/;dx:cos\/;+c. D. Isin\/;dx:—Z\/;cos\/;+23in\/§+C.

Huéng din giai
Chon D
Pit t=+/x,taco Isin\/;dx =j2tsintdt

_olu=2t , [du=2dt
bat _ ta co
dv =sintdt V =—cost

IZtsintdt :—2tcost+IZCostdt =—2tcost+2sint+C :—Zﬁcos\/;+ 2sin \/§+C

Cau6: Nguyén ham cia | = [ xsinxcos” xdx la:

1 . 2 .
A. I, =-xcos® x+t—§t3 +C,t=sinx. B. I, =-xcos’ x+t—§t3 +C,t=sinx.

1 . 2 .
C. I, = xcos® x+t—§t3 +C,t=sinx. D. I, = xcos® x+t—§t3 +C,t=sinx.

Huéng din giai
Ta dat:

u=Xx du =dx
H 2 = 3 '
du =sin xcos” x U =—Cco0s” Xdx

= | :Ixsin X cos’ xdx:—xcos3x+Icos3 xdx +C,.

%,_/
Il

Xeét 1, = Icos3 Xdx = Icos x(l—sin2 x)dx.
bat t =sin x = dt = cos xdx..

=1, =j(1—t2)dt=t—%t3+c2 .

= | =—xcos® x+ I, = —xcos® x+t—%t3 +C.
Chon A
A A X
Cau7: Mot nguyén hamcua f(x)=——— la:
cos’ X
A. xtan x—In|cosx| B. xtan x+In(cosx)
C. xtan x+In|cos | D. xtan x—In|sin x|
Huéng din giai
Taco: | = dx
J.cosz X
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U {du — dx
bat: 1 =
dx

dv=— v =tan X
cos® X
Khi do6: | :uv—Ivdu = x tan X—Itan xdx = x tan x+|n|cosx|+C
Cau 8: Mot nguyén hamcua f(x)= _X2
sin® x
A. xcotx—ln|sinx| B. —xcotx+In(sinx)
C. —xtan x+|n|cosx| D. xtanx—ln|sin x|
Huwéng din giai
Taco: | = dx
J.sinz X
v du = dx
bat: 1 =
dv =———adx V =—Cot X
sin® x
Khi do6: | :uv—Ivdu :—xcotx+Icotxdx:—xcotx+ln|sin x|+C
DANG 2.
Cau 9:  Ho nguyén ham cua Iex (1+x)dx a:
A |l =e*+xe"+C. B. I:ex+lxeX+C.
2
C. I:%ex+xex+c. D. 1 =2e*+xe*+C.
Huwéng din giai
Ta co:
I :Iex(1+x)dx:Iexdx+IeXde:eX+C1+Ixexdx.
|
Xét |, :Iexxdx.
u=x du=x
Pt = .
dv =e*dx v=eg"
X X 1 X
=1, =xe —Ixe dx = Ilzzxe +C,.
X 1 X
=l=e"+=—xe"+C.
2
Cau 10: Biét Ixe“dx =axe”™ +be™ +C (a, be Q). Tinhtich ab.
1 1 1 1
A. ab=-= B. ab==. C.ab=—=. —.
4 : 8 8
Hwéng dan giai
. U=x du =dx
a 1
dv=e¥dx |v==e*
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Céau 11:

Céau 12:

Céau 13:

Céau 14:

Suy ra: J'xezxdx :%xezx —%J'ezxdx :%xezx —%ezx +C

Vay: a—l b:—£:>ab——l

2 4 8
Bict F(x)=(ax+b)e* a nguyén ham cua ham s6 y =(2x+3)e*.Khidé a+b la
A. 2. B. 3. C. 4. D. 5.

Huéng din giai
Ta co: j(2x+3)exdx = (ax+b)e*, nghia la:
[(ax+b)eX]': (2x+3)e”
< ae’+e*(ax+b)=(2x+3)e"
< e*(ax+a+b)=(2x+3)e”
Pdng nhat hé s ta dugc: a=2 va b =1

Vay a+b=3.
Chon B
Biét I(x+3).e‘2xdx:—ie‘zx(2x+n)+c,véi mneQ. Tinh S=m?*+n°.
m
A. S=10. B. S=5. C. S=65. D. S=41.
Huéng din giai

Chon C
. U=xX+3 du =dx

a =

T ldv=edx v:—%e‘2X

. z -2X l —2X —-2X l —2x l
Khi d6 I(x+3).e dx:—Ee (x+3)+ Ie dx =— 2 (x+3)—ze +C

:_i e ?.(2x+6+1)+C=- i‘“(2x+7)+c =>m=4n=7.

S =m’+n*=65.

Cho F(x)a mot nguyén ham cia ham s f (x) = (5x+1)e va F(0)=3.TinhF(1).
A. F(1)=1le-3. B. F(1)=e+3. F(l)=e+7. D. F(1)=e+2.

le()’ng dan giai

Chon C
Taco F(x):j(5x+1)exdx.

_. [u=5bx+1 du =5dx
bat = .

{dv:exdx { v=eg*

F(x)=(5x+1)e ISede (5x+1)e* -5e*+C =(5x-4)e* +C.
Mat khac F(0)=3< -4+C=3<C=7.
= F(x)=(5x-4)e" +7.
Vay F(1)=e+7.
DANG 3.
Két qua cua Iln xdx 1a:

A. xInx+x+C B. Bap an khac
C. xInx+C D. xInx—x+C
Huéng din giai
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Taco: | :jln xdx

dx
_. |u=Inx du=—
bat: = X
dv =dx
V=X
Khi do6: I:uv—jvdu:xlnx—Idx:xInx—x+C
Chon D
Cau 15: Nguyén ham cua | :jxln xdx bang vai:
2 2
A.X—Inx—jxdx+C. B.X—Inx—jlxdx+C.
2 2 2
C. lenx—jlxdx+c. D. lenx—jxdx+C.
2 ~
Hwéng dan giai
Ta dat:
du =L
u=Inx X
=
{dv:xdx X
V:_
2
NG 1
:I:lenxdx:—lnx—j—xdx.
2 2
Chon B
Cau 16: Tim nguyén ham ciia ham s f (x)=xIn(x+2).
A [ f(x)dx=" In( 2)- X% ¢
2
B. [ f(x 4|n( 12)- X ¢
C. jf(x) In( 2)- X% ¢,
2
-4 X% +4x
D. In(x+2 +C.
It x (x+2)- X7
Huéng din giai
Chon B
dx
u=In(x+2) du:X+2
bat =
dv = xdx x?
V=—
2
suyraj x)dx = len x+2)dx_—ln(x+2)—lj X dx
2 29 X+2

2 2 2
:X—In(x+2)—lj.(x—2+i]dx: X _4In(x+2)—x _4X+C.
2 2 2 2

X+2
CAu 17: Ham sé nao sau day la nguyén ham cita g (x) = ( In X)2 ?
X+1
p ZN2X=xIn2 | X | ggq. 8. 21X _j| %], 1908,
X+1 |x+1| X+1 |x+1|
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c. X Xy 2016 D. M 24 2017,
X+1 X+1 X+1 X+1
Huéng din giai
u=Inx du:ldx
5 X
bat v = 1 de: 1
(X+1) V:m
:>S:_InX+J. ! dx:_lnx+j(£— ! ]dx:_lnx++ Lok [
X+1 x(x+1) X+1 X X+1 X+1 X X+1
<:>S:_Inx+(ln|x|—ln|x+]4)+C:_InX | X |+C
X+1 Xx+1 |x+ |
Chon A
Cau 18: Tim nguyén ham cua hamsé f (x)=+/xInx.
2 3
A. dx_—x2 3Inx 2)+C. B. =—_x? 3Inx 2)+C.
Jf(x )+ [T (x)ax=% )+
2 3
C. 3Inx 1)+C. D. =—_x? 3Inx 2)+C.
Jf(x )+ [T (x)ax=2 )+
Huwéng dan giai
Chon A
:If(x)dx:fﬁlnx.dx.
Dat:tzﬁzdtzidx:mdt:dx.
24/x
:sl=2jt2|nt2.dt=4jt2|nt.dt.
1
) u=Int duzgdt
bat: .
dv=tidt _t
3
= | =2(1t3 Int—ljtzdt)=2(3t3|nt—3t3+c]=3t3(3lnt—1)+c
3 3 3 9 9
2 3
“ 2
9x (3InJ_ )
1 3
§x2(3lnx 2) +C.

3
Cau 19: I(ZX\/XZ +1+xIn x)dx c6 dang %(\/xz +l) +%x2 In x—%x2 +C, trong d6 a, b 13 hai s6 hiru

ti. Gia tri a bang:

A. 3. B. 2. C.1. D. Khéng ton tai.

Huéng din giai
Céch 1:

Theo d&, ta can tim I(ZX\/ x2+1+xIn x)dx. Sau d6, ta xac dinh gid tri cia a.

Ta co:

I(ZX\/XZ +1+xIn x)dx:IZXx/x2 +1dx+jx|n xdx.
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Dé tim I(ZX\/X2+1+X|n x)dx ta dat I1:I2x\/x2+1dx va l, :len xdx vatim I,1,.

*1, = IZXM dx.

Dung phuong phap doi bién.

Pit t =X +1, t >1 ta duoc t2 = X2 +1, xdx = tdt .
Suy ra:

3 N 14
l, :J.Zx\/x2 +1dx :Ithdt :ét3 +C, :é(\/xz +l) +C,, trong d6 C, la 1 hang so.

*Izzjxlnxdx.

Dung phuong phap nguyén ham ting phan.

du = 2 dx
.. |u=Inx X
bat = , ta duoc:
dv = xdx 1,
V==X
2

Izzjxlnxdx:judv:uv—fvdu
1

e Inx—jlxz-idx:—x2 In x—ijxdx:ix2 In x—£x2+Czl
2 2 X 2 2 2 4

3
j(Zx\/x2 +1+xIn x)dx: I, +1, :é(\/x2 +1) +C1+%x2 In x—%x2 +C,
, :
:g(\/x2+1) +%x2 Inx—%x2 +C

3

3
Suy ra dé I(ZX\/x2+1+xInx)dx c6 dang %( x2+l) +%lenx—%x2+c

a=2eQ,b=3€Q.
Chon B
Cach 2:Dung phuong phap loai trir.

thi

o a 5 b 1 L . )
Tathay gia tri cia a & cac dap 4n vao E(\/X2+l) +EX2 In X—ZX2+C. Sau do6, voi mdi a cua

, 3 1
céc dap 4n ta by dao ham cia %(\/x2 +1) +gx2 Inx—,x*+C.

Khéng khuyén khich cach nay vi viéc tim dao ham cua ham hop phic tap va c6 4 dap an nén viéc

tim dao ham tré nén kho khan.
Sai lam thwong gap:
A. Dép an A sai.

Mot sb hoc sinh khong doc ki dé nén chi tim gié tri cia b . Hoc sinh khoanh dap 4n A va dé sai

lam.
C. bap an C sai.
Mot so hoc sinh chi sai lam nhu sau:

*1, = IZXM dx.

Dung phuong phap doi bién.

Pt t=+/x2+1, t>1 ta dugc t* = X2 +1, tdt = 2xdx.
Suy ra:

3 N 14
l, = J.Zx\/x2 +1dx= Itzdt :%t3 +C, :%(\/xz +l) +C,, trong d6 C, la 1 hang so.
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Hoc sinh tim dang 1, “Lemx-ty +C, theo phan tich & trén.
2 4
3
j(Zx\/x2 +1+xIn x)dx: I, +1, :%(\/x2 +1) +C1+%x2 In x—%x2 +C,
, :
:1(\/x2+1) +%lenx—%x2+c

3

3
Suy ra dé I(ZX\/X2+1+X|n x)dx c6 dang %(\/x2+1) +%len x—%x2+C thi a=1,b=3.

Thé 13, hoc sinh khoanh dap an C va dé sali [Am.
D. Bép 4n D sai. .
Mot so hoc sinh chi sai lam nhu sau:

*|, ZIZX\/XZ +1dx.

Dung phuong phap doi bién.
Pat t=+x?+1,t >1 ta dugc t? = x* +1, tdt = 2xdx .
Suy ra:

3 N r
l, :J.Zx\/x2 +1dx:J.t2dt:%t3+C1 :%(\/xz +l) +C,, trong d6 C, la 1 hang so.
Hoc sinh tim dang 1, :%x2 In x—%x2 +C, theo phan tich & trén.
2 1 2 3 1 2 1 2
j(Zx\/x +1+x|nx)dx:I1+I2:§(\/x +1) +C1+EX Inx—zx +C,
, :
:%(\/x2+1) +%lenx—%x2+c

3
Suy ra dé I(ZX\/x2+1+xInx)dx c6 dang %(\/x2+1) +%lenx—%x2+c

a=1€Q, bz%%@.

Thé 13, hoc sinh khoanh dap 4n D va d4 sai lam do tinh sai gia tri coa b .

Cau 20: Cho F(x):g(lnx+b) la mot nguyén ham ctia ham sb f(x):l+|2nx ,trongdé a, beZ.
X X
Tinh S=a+b.
A S=-2. B. S=1. C.S=2. D.S=0.
Huéng din giai
Chon B
1+Inx
Taco | =| f(x)dx= dx.
I (a-](210)
1
1+Inx=u —dx=du
Pit { 1 SR khi d6
—ZdX:dV _
X ——=V
X
1 1 1 1 1
| =—=(1+Inx)+|=dx=—=(1+Inx)—-=+C =—=(Inx+2)+C =>a=-Lb=2.
(L+InX)+ [ 5dk = - (L+Inx)-T+C = - (Inx+2)
Vay S=a+b=1.
DANG 4:
Cau 21: Phat biéu nao sau day la dtng?
A. Iexsin xdx = e* cosx—feX Ccos Xxdx. . B. Iexsin xdx = —e* cosx+IeX cos xdx. .
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C. Iex sin xdx =e* cos X + Iex cos xdx. . D. Iex sin xdx = —e* cos x —Iex cos xdx.

Huéng din giai
Pt
u=e* du =e*dx
) =
dv = sin xdx V = —C0S X
= Iex sin xdx = —e* cos x + Iex cos xdx. .

Cau22: TimJ :Iex.sinxdx?

Al :%(cosx—sin x)+C. B. J :%(sin X+c0sx)+C .
C.J :%(sin x—cosx)+C. D.J :%(sin X+cosx+1)+C.
Huéng dan giai
Pit: u =e _ . du, =e".dx
dv, =sin x.dx V, =—COS X

=J :—excosx+IeXcosxdx:—excosx+T (T :Iex.cosxdx)
Tinh T :Iex.cos Xdx :
:>T:exsinx—jexsinxdx:exsinx—J

X

. . er .
= J=—e"cosx+e*sinx—J < 2] :ex(smx—cosx)<:>J :?(sm x—cosx)+C
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TICH PHAN
A. KIEN THU'C CO BAN
1. Pinh nghia
Cho f la ham sé lién tyc trén doan [a;b]. Gia st F la mot nguyén ham caa f trén [a;b]. Hiéu sd
F(b)—F(a) duoc goi la tich phan tir a d&én b (hay tich phan xac dinh trén doan [a;b] cua ham s f (x), ki

b
higu fa [ f (x)dx.
b
Ta ding ki hiéu F(x)|2 = F(b)-F(a) dé chi hiéu sé F(b)—F(a). Vay j f (x)dx = F(x)|z = F(b)-F(a)

b b
Nhgn xét: Tich phan caa ham sé f tira dén b c6 thé ki hiéu boi j f(x)dx hay j f (t)dt. Tich phan d6 chi
phu thudc vao f va cac can a, b ma khong phu thuge vao cach ghi bién so.
Y nghia hinh hoc cua tich phan: Néu ham so f lién tuc va khong am trén doan [a;b] thi tich phan
b
I f (x)dx la dién tich S caa hinh thang cong giéi han béi d6 thi ham sé y = f (x) , truc Ox va hai duong thang

b
x=a,x=h. Vay szjf(x)dx.
2.Tinh chit caa tlch phan
1. jf(x)dx 02. jf(x)dx_—jf(x)dx

3. jf(x)dx+[ f(x)dx:If(x)dx(a<b<c)4. ik.f(x)dx:k.i f (x)dx (k e R)

5. i[ f(x)+ g(x)]dx :i f (x)dx J_ri g(x)dx.

B. BAI TAP )
~HUONG DAN GIAI
DANG 1: PINH NGHIA TINH CHAT TiCH PHAN

Caul: Chohamsé y=f(x), y=g(x) lién tuc trén [a;b] va sé thuc k tuy y. Trong cac khang dinh
sau, khéng dinh nao sai?

A Jrom=f
Bixf( x)dx = XI

C. ikf( X)dx =0

b

b b
D. I[f (x)+g(x)]dx:f f (x)dx+fg(x)dx
Huéng din giai
Chon B ’
Duya vao tinh chat cua tich phan, A, C, D dung nén B sai.
Cau 2: Khang dinh nao sau day sai?
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b

[ f (x)+g(x)]dx:f f (x)dx+ig(x)dx. B.

Huwéng din giai
Chon C
Cau3: Chohaihamsb f(x) va g(x) liéntuc trén K, a, b e K. Khing dinh ndo sau day la khing dinh

sai?
b

A.i[f(x)+g(x)]dx:ff(x)dx+ig(x)dx. B. ka X)dx = kI

b b b b

C.jlf(x)g(x)dx:ff(x)dx.fg(x)dx. D. I[f x)]dx:ff(x)dx—fg(x)dx.

Huéng din giai
Chon C
Cau4: Cho haisb thuc a, b tiy y, F(x) la mot nguyén ham cia ham s6 f (x) trén tap R . Ménh dé
nao duoi day la dung?

AI x)dx = f (b)-f(a). B.

Huéng din giai
Chon B
Theo dinh nghta, ta co | f (x)dx=F (b)-F (a).
Caub: Cho f(x) laham sb lién tuc trén doan [a;b] va ce[a;b]. Tim ménh dé ddng trong cac ménh dé
sau.

f (x)dx. B. | f( dx+I x)dx =

f(x)dx. D. | f( dx+I x)dx =

D —y T D =T

Huwéng dan giai
Chon D

If dx+I =F(b)-F(a)+F(a)-F(c) =F(b)-F(c) =if(x)dx.

Cau6: Chohamsé y= f(x) lién tuc trén khoang K va a,b,c e K. Ménh dé nao sau day sai?

c b b

Aj dx+I (x) :If(x)dx. ij()dx If()dt.

b a a
C. [ f(x)dx=—[ f(x)dx. D. | f(x)dx=0.

a b a

Huéng dan giai
Chon A
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b c c
Ménh dé ding la: If(x)dx+[ f (x)dx:f f (x)dx.
a b a

Cau7: Chohamso f(t) liéntyctrén K va a,beK, F(t) la mot nguyén ham cia f (t) trén K. Chon
khang dinh sai trong cac khang dinh sau.

A. F(a)—F(b):if(t)dt. B. ff(t)dtzp(t):.
C. if(t)dt:Uf(t)dt]b. D. if(x)dx:if(t)dt
Béiagiéi a a a
Chon A

b
Theo dinh nghia ta co: I f(t)dt=F (t)‘: =F(b)-F(a). Suy ra phuong 4n A sai.
Cau8: Chohamsé y= f(x) lién tuc trén doan [a;b]. Ménh dé nao duéi day sai?

f (x)dx:i f(t)dt.

>
D ey T

@
—
—_
>
A —
o
>
Il
|
—_—
—
—_
>
A —
o
>

kdx=k(a—b), VkeR.

o

@)
D C— T D — T D — T

f(x)dx=]f(x dX+f X)dx, vce(a;b).
Huwéng dan giai
Chon C
b
Tacé: [kdx=kx| =kb—ka =k(b-a).

Cau9: Giasa f laham s lién tuc trén khoang K va a, b, ¢ 1a ba sb bat ky trén khoang K . Khang dinh
nao sau day sai?

AI x)dx =1, B.if(x)dx:—if(x)dx.
C. jf dx+I :if(x)dx, CE(a;b).D.if(x)dx:if(t)dt.

Huéng din giai
Chon A

Ta co: if(x)dx: F(a)-F(a)=0.

Cau 10: Cho hamsé y = f (x) lién tuc trén doan [a;b]. Ménh dé nao dudi day sai?

b a
A jf(x)dx:-jf(x)dx. B. jf j dx+I x)dx , VceR.
b
C. [ f(x j t)dt .D. j x)dx=0.
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1 1 1
A. If(x)dx. B. I—F(x)dx. C. I—F(x)dx.
0 0 0
Huwéng din giai
Chon D

Ta co: i—f (x)dx:—F(x)1 =-[F(1)-F(0)] =F(0)-

Céau 12: Cho hai tich phan f x)dx=m va Ig x)dx =n. Gia trj cua tich phan “f x)]dx la:

A.m-n. B.n-m. C.m+n.
Hwéng dan giai

D. Khong thé xac dinh.

Cho hai tich phan f x)dx=m va Ig x)dx =n. Gia tri cta tich phan “f x)]dx la:

Ta ¢ ngay két qua: I[f (x)—g(x)]dx: i f(x)dx—i g(x)dx=m-n.

Chon A
Cau 13: Tich phan I x)dx dugc phan tich thanh:

—f (x)dx. B.jl i f(x)dx .
f(x)dx. D. —jf( )+if(x)dx

Huwéng din giai
Tich phan I x)dx duoc phan tich thanh:
b

Tacé:jf(x)dx If x)dx+I (x)dx = I (x)dx—if(x)dx

c

Chen A )
DANG 2: TICH PHAN CO BAN

2
Cau 14: Tichphan | = [2xdx c6 gid tri la:

1
A l=1. B.1=2. C.1=3.
Huéng din giai
2
Tich phan I = [2xdx c6 gid tr Ia;
1

2

2 2 2
Céach 1:1 :jZX.dx:Z.jx.dx:(Z.X?] =3.
1 1

1

ChonC . N ’
Céch 2: Kiém tra bang may tinh, dé dang thu duoc két qua nhu cach 1.

1
Cau 15: Tichphan | = j (x° +3x+2)dxco gia tri Ia:

-1
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A l=1 B.1=2. C.1=3 D.1=4.
Huéng din giai
1
Tich phan I = j(x3+3x+2)dx c6 gia tri Ia:
1 N 1 3 1
Cach 1: | :J.(x3+3x+2)dx:(—x4+—x2+2x] =4,
° 4 2 .
Chon D ‘
Céch 2: Dung may tinh cam tay.
22018
Cau 16: Tinhtichphan | = | d%
1
A. 1=2018.In2-1. B. | =2%%, C. 1=2018.In2. C. 1 =2018.
Huéng din giai
Chen C
Tacs: | =In|x[ =In(2*")-In1=2018.In2.
1
Cau 17: Tinh |:j( L +3\/§]dx.
o\ 2X+1
A. 2+In+3. B. 4+In3. C.2+In3, D. 1+In+/3.
Huéng din giai
Chon A
M3y Jox = [—2—dx+3[Vxd
Taco | = +3Vx |dx = X+ xdx
([ o o= goer]
1 o2
—Zinf2x+1| +3.2xx| =1in3+2-my3+2.
2 . 37, 2
1
Tinh tich phan | :Ixzm (1+x)dx
Cau 18: 0
S NN S YU NP O NI S O R S
2018 2019 2020 2021 3 2019 2020 2017 2018
Hwéng dan giai
Chen C
1 1 w2018 2020 ! 1
Taco: | :Ix2018 (1+x)dx :I(x2018 + x2°19)dx = + - + ,
0 0 2019 2020 o 2019 2020

b
Cau 19: Gidtrinio cia b dé [(2x—6)dx=07?

1

A.b=0hoacb=3. B.b=0hoicb=1 C.b=5 hoic b=0.

Huéng din giai

Taco i(2x—6)dx=(x2 —GX)‘: =(b*-6b)—(1-6) =b* —6b+5.
1

b=1

Theo bai ra, c6 b? —6b+5:0<:{

D. b=1 hoic b=5.
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Cau 20: CO6 bao nhiéu gia tri thuc cia AD dé co I(2x+5)dx =a-4
0
Al B.O. C.2. D. V0 s.

Huwéng din giai

Taco I(2x+5)dx:a—4<:>(x2+5x)::a—4(H) y=x-1
0
1
Cau 21: Tichphan | :I(ax2+bx)dx co gia tri I&:
0
A1=2.0 B.1-2.2 c.1=-2.2 p.1=-2,.2
2 3 3 3 2 2 3 2

Huéng dan giai
1
Tich phan | = I(ax2 +bx)dx c6 gid tri la:
0
Ta co:

ax’ +bx Jdx = gx3+9x2 -
3 2

2
Cau22: Pit | =[(2mx+1)dx (m lathamsd thyc). Tim m dé 1 =4.
1

A. m=-1, B. m=-2. C. m=1. D.m=2.

Huéng din giai
2 2
1

Taco | :I(me+1)dx :(mx2+x)‘ =(4m+2)—(m+1) =3m+1,
1
=4 ©3m+1=4 < m=1.

O ey

Cau 23: Tichphan | = j [iz+2x]dx co gia tri 1a;
X
2

A_|:_1—1+a2. B.I:—§—1+a2. C.I:—§—1+a2. . 1 2,
2 a 2 a 2 a 2

Huéng din giai
Tich phan | = J.(iﬁ 2x]dx, vai a#0 cd gia trila:
X
2
Ta co:

! 1
| =|| S+2xdx=| —=+X%°
Chen D

Cau24: Chohamsé y=f(x)=

{3x2 khi 0<x<1

2
. Tinh tich phan | f (x)dx .
4—x khil<x<?2 P ! ()

AL B. 1. c.2. D. 3.
2 2 2
Hwéng dan giai
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Chon A
Taco
2

0 0 1 0

) o 3x* khi 0<x<1 _ %
Cau 25: Chohamsé y=f(x)= _ :
4—x khi 1<x<2 0
AL B. 1. c.2,
2 "2
Hwéng dan giai
Chon A

1

Tacé,J. dX+I x)dx = J‘3x2dx+J. 4—x)dx =X (l)+

0

3
Cau 26: Cho [ f(x)dx=a, jf(x)dx:b.Khi d6 jf(x)dx bing:
0 2 0

A. —a—b. B. b-a. C. a+b.

Huéng din giai
Chon D

I f (x)dx :j f (x)dx+i f (x)dx :j(sxz)dx+j(4—x)dx =

D. a-b.

Do if(x)dx:i f(x)dx+i f (x)dx <:>i f(x)dx:if(x)dx—i f (x)dx <:>j f(x)dx=a-b

2
Cau 27: Cho a la s6 thyc thoa man |a| < 2 va I(2x+1)dx=4. Gia tri biéu thac 1+a® bang.

A 0. B. 2. C. 1.
Huéng din giai
Chon B

2

2
Ta co: J'(2x+1)dx=(x2+x) =6-a’—a. Theo déz{

a

Vay 1+a°=2.

1 -1

|a| <2
6-a’-a=4

D. 3.

=a=1.

Cau 28: Chogatricaatichphan I, = | (x*+2x)dx=a, | x? +3x)dx =b . Gia tri cu a—Ia:
gé tri cua tich phan 1, = | ( ) 2= J (x* +3x)d i

-1 -2

4 12

A P=—— B.P=—. C.P=——.

65 65 )
Hwéng dan giai
-1

4

P=—

65

Cho gé trj cua tich phan Ilzjl.(x4+2x3)dx:a, l, = j(x +3x)dx =b. GlatI‘lCuaE la:

-1 -2

Ta co:
L 1, 2
I, j(x +2x° )dx ( X +—x4] —Z—a==
4 2" ), 5
-1 -1
Izzj(x2+3x)dx:(lx3+§x2] __B b:—E.
) 37 27 ), 6 6
p_a__12
b 65
Chon C
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2
Cau 29: Tichphan I = [ |x* - xjdx c6 gid tri Ia:
-1

A= B. I ==, co1=-2.
2 6 2

Huéng din giai
2
Tich phan | = ”x2 —x|dx c6 gia tri Ia:
1
Ta co:
X*-x=0=x=0vXx=2.
[

f(x)
Tir bang xét diu ta duogc:

z ; 2 1, 1, (1, 1.\ 3
| = sz —x‘dx: j(x2 —x)dx+j(—x2 +x)dx:(—x3——x2] +(——x3+—x2] ==
-1 -1 0 3 2 -1 3 2 0 2
Chon A
-1
Cau 30: Tichphan | = J.(Zax += ]dx co gia tri la:
X
-2
A. I=—15—a+ln2. B. I=15—a—ln2 C. |_15_a In2. D. I=—15—a—l 2.
16 16 T 16 16
Hwéng dan giai
-1
Tich phan | = J.(Zax += ]dx co gia tri la:
X
-2
Ta co:
-1 -1
I:J'(Zax + ]dx ( X +In|x|] Y
° 2 5 16
Chon C
1 2
Cau 31: Biét tich phan 1, = IZxdx —a.Giatricua I, = I(x2 +2x)dx 1a:
0 a
A= B. 1,2 c.1,-% D.1,=-3
3 3 3
Hum’ng dan giai
Biét tich phan | —I2xdx a.Giatricua | —I(x +2x)dx Ia:
Ta co:
L ' 2 2 1 * 16
I, :jZXdX:(xz)‘o =1=1, :I(x2 +2x)dx:j(x2 +2x)dx:(§x3+x2] =3
0 a 1 1
Chon C
Chu 32: Choj x)dx = 3. Tinh tich phan |_j[2f )-1]dx.
-2
A. 9. B. -3. C. 3. D. 5.
Huéng din giai
Chon C
1
TacéI:I[Zf 1]dx_2J. X)dx — Idx-6 X', =3
-2
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Cau 33: Cho ham f (x) c6 dao ham lién tuc trén [2;3] dong thoi f(2)=2, f(3)=5. Tinh jf’(x)dx
bang
A. 3. B.7. C.10 D. 3.
Huéng din giai
Chon D
Taco [ 1'(x)ax=f(x)[ = f(3)- f(2)=3.
Cau 34: Cho ham sb f(x) co dao ham lién tuc trén doan [a;b] va f(a)=-2, f(b)=-4. Tinh
b
T :I f'(x)dx.
A T=-6. B.T=2. C.T=6. D.T=-2.
Huwéng dan giai
Chon D
b
Tace: T=[f'(x)dx = f(x)|% = f (b)- f (a)=-2.
1
Cau 35: Cho hamsb f (x) liéntuc trén [0;1] va f (1)~ f (0)=2. Tinh tich phan [ f'(x)dx.
0
A I =-1. B. I =1. C.1=2. D. 1=0.
Huéng din giai
Chon C
1
1
Ta co: I f'(x)dx = f (x)‘oz f(1)-f(0)=2.
0
Cau 36: Cho hamsé y = f (x) thod man dicu kieén f (1)=12, f'(x) liéntuctrén R va jf x)dx =17.
Khidé f(4) bang
A 5. B. 29, C. 19. D. 9.
Huéng dan giai
Chon B
Taco jf X)dx=17 & f (x)[ =17 & £ (4)- (1) =17 & f(4)=29.
Cau 37: Cho ham so f(x ) c6 dao ham lién tyc trén doan [-1;3] va thoa man f (-1)=4; f(3)=7.Gia
tricua | = j 5f dx bang
-1
A. 1=20. B. I =3. C. 1=10. D. 1=15.
Huéng din giai
Chon D
! _jsf x)dx =5f (x)’, =51 (3)-5f (-1) =5.7-5.4 =15.
1
Cau 38: Cho ham s f(x)=%+g+2, v6i a, b 1a cac sb hiru ti thoa diéu kién If(x)dx:2—3ln2.
1
2
Tinh T=a+b.
A T=-1. B.T=2. C.T=-2. D. T=0.
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Huéng din giai
Chon C
h ta b a '
Taco j f (x)dx = j(—2+—+2]dx :(——+bln|x|+2x] =a+1+blIn2,
1 1\ X X X 1

DANG 3:
Céau 39:

Céau 40:

2 2
Theo gia thiét, tacd 2—3In2=a+1+bIn2. Trdo suyra a=1, b=-3.
Vay T =a+b=-2.

TiCH PHAN HU'U Ti CO BAN
1
Biét j 2X_52 dx=a+Inb véi a, b la cac s thuc. Ménh dé nao dudi day dung?
1 X+
3
A. abzi. B. a+b=l. C. abzg. D. a+b=i.
81 24 ) 8 10
Hwéng dan giai
Chon A
1 1 1
Taco: | X7 gy :H 12 o =l(x—6ln|x+]4) :1(1—6|n2—1+6|nf]
12X+2 27 X+1 2 12 3 3
= = 3
3 3
:1+In£.vay abzl.izE
3 27 327 81
2 2
Biét jxx -dx=a+Inb (abeZ).Goi S=2a+b,giétricia S thugc khoang nio sau day ?
+
0
A. (8;10). B. (6:8). C. (4:6). D. (2;4).
Huéng din giai
Chon D
2 2 2 2 2
a=0
Tacc’)j X dx:j(x—1+i]dx: X——x+|n(x+1) =In3=a+Inb= =S5=3.
o X+1 0 X+1 2 . b=3

Viy S e(2;4).

Cau 41: Nhan xét: Khong thé dung may tinh dé tinh ra két qua nhu trén ma ta chi c6 thé dung dé kiém tra
2
ma Tich phan 1 = | (iz+2x]dx c6 gia tri 1a;
X
1
Al=2 B. 1=, ci=2. p.1=2
2 2 i 2 2
Hwéng dan giai
2
Tich phan | = [ (iz+zx]dx c6 gia tri Ia;
X
1
2 2
Cach 1:1 :j(%+2x]dx:(—l+ xz] =—
1 X X 1
ChonB ‘
Céch 2: DUng may tinh cam tay.
Cau 42: Tich phan | = j(g+ij dx ,v6i a=0 co giatrila:
\x a
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2 2

A. I:aln|a|+a +1. B.l=alna+2 1
2a 2a
2 2

C. I:aln|a|+a 1. D.l=alna+2 1.
2a 2a

Huéng din giai

Tich phan | :J.(E+1]dx,véi a=0 cogiatrila:
\X a

Ta co:
a 2\[2 2
I:J.(E+ijdx: aIn|x|+X— :aln|a|+g—i:aln|a|+a -1
TAX a 2a )| 2 2a 2a
Chon C
2
CAu 43: Tich phan | :J.(ax2+9]dx c6 gia tri la:
X
1
7 7
A. | =§a—bln2. B. | =3a-hin2. C. 1 =§a+bln2. D. | =3a+bln2.

Huwéng dan giai
2
Tich phan | = J.(ax2 +E] dx co gia tri la:
X
1
Ta co:

2
I :j(ax2+9]dx:(3x3+bln|x|]
X 3

1

Chon C

2

:E+bln2.
, 3
¢ X
Cau 44: Gia tri cua tich phan | = fndx =a. Biéu thirc P =2a-1 c6 gia tri I&:
+
0

A. P=1-In2. B.P=2-2In2. C. P=1-2In2. D.P=2-In2.
Huwéng dan giai

1
Gia tri cua tich phéan | =Indx =a. Biéu thuc P =2a-1 cé gia tri la:
+
0

Taco:
t X h 1 1
| = —dx:f(l——]dx:(x—ln|x+]m =1-In2=a=1-In2=P=2a-1=1-2In2.
o X+1 0 X+1 0
Chon C
e? 2
Cau 45: Giatri cuatich phan | :j{“x—ﬂjdx:a. Biéu thuc P=a-1 c6 gia tri la:
) X
A P=e+1e2+1e4. B. P=—e+1e2+1e4.
2 2 2 2

C. po—e-terilet p poerler_let
2 2 2 2

Huéng din giai

e’ 2
Gia tri cua tich phan | = J.[H—H]dx =a. Biéu thac P=a-1 c6 gia tri la:
g X
Ta co:
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eZ

e? 2 e? 2 2 4
I:I 1+X—+de:J. L exlix= In|x|+x+x— —1-e+S &
d X © UX 2 . 2 2
eZ e4 e2 e4 2 e4
»a=l-e+—+—wa-l=—-+—F—=P=—+—+—.
2 2 2 2 2 2
1
Cau 46: Tinh tich phan | = :
5 X =9
Al=ipi, B.1=—1ini. C. 1=tz D.1=In%2.
6 2 6 2 ) 6
Hwéng dan giai
Chen A
1 1
Tacc’):I:I 2dx :I:EI(L—L]dX zllnX 3 1(Ini—lnl]:ilni.
5 X =9 65\ x=-3 x+3 6 [x+3|, 6\ 2 6 2
Cau 47: Giasu I4dx aln5+biIn3;a,beQ. Tinh P=ab.
X“+4x+3
A.P:8. B. P=-6. C. P=-4. D. P=-5,
Huéng din giai
Chen B
BN M

2

2
I I I( ] (—In|x+1|+2|n|x+3|)2:2In5—3ln3
X +4x+3 2 (x+1)(x+3) 0 x+1 X+3 0

Suy ra:. Do d6: P—ab——6.
X+1

Cau 48: Biét J.de a.In|x—1+b.In|x-2|+C, a,beZ. Tinh gié tri cia biéu thuc a+b.
A.a+b=1. B.a+b=5. C.a+b=-1, D. a+b=-5.
Huwéng dan giai:
ChenC
—~x-1 A B

(x-1)(x-2) - x—1+x—2'
< -x-1=A(x-2)+B(x-1).

{A+B:—1 {AzZ

< =S :
—2A-B=-1|B=-3

n x+1

Neén: =

N J.( J.(x 1 x— 2

:2In|x—1|—3|n +C.
Véya 2 ,b=-3.Viy a+b=-1

Cau 49: Bi tJ. 3X+2dx:aln7+bln3+c voia,b,ceZ.Tinh T =a+2b*+3c’.

> X2 —x+1
A T=4, B.T=6. C.T=3,. D.T=5.
Huwéng din giai
Chen A
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a=-1
3.2 3 B ,
dex:j(l—zzx—l]dx:(x—ln‘xz—x+1‘) ——In7+In3+1,suyra {b=1
S XT—=X+1 > X°—Xx+1 2 o1
Vay T =a+2b*+3c®* =4
0 2 _
Cau50: Gia s | :j3x+—5;‘1dx:a.|n§+b.1<hidé gid trj a+2b Ia:
X_
-1
A. 30. B. 40. C. 50. D. 60.
Hwéng dan giai
Chon B
Taco
03 0
| - [ 2Coxd +5X Lo j(3x+11+£]dx: 3 s atinfx-2|°, =21m 2422
e -1 X—2 2 -1 3 2

Cau 51: Biét ring J.de:aln5+bln2 (a, b eZ). Ménh d& nio sau day ding?
X" +oX

A. a+2b=0, B. 2a-b=0.
C.a-b=0. D. a+b=0.

Huwéng din giai:
Chon D

5 5
Pl | et
1 X7+ 3X AX X+3

=(In|x|~In|x+3])[ =In5-In2.

Vay a=1b=-1.
3
Caus2: Néu [—>"2 _gx—aln5+bIn3+3In2 (a,be) thigidtricia P=2a-b Ia
52X —=3X+1
A P=1. B.P=7. C. P——E. D.P=E.
’ 2 2
Hwéng dan giai
Chon C
Taco
3
J. 2X+2 :—J. 4x -3 EJ- : 1 dx
5 2X°—=3X+1 2x° 3x+1 4 5 2x° -3x+1
ISV WA Y S
4+ 2x* —3x+1 4 5 (x-1)(2x-1)

3

:—In‘ZX —3x+1‘ +11 i— 2 dx
4 5\ x-1 2x-1

x—l3

2x -1,

+—I

:—In‘2x —3x+1‘ :i(lnlo In3)+£(lng—ln 1]
4 4 5 3

1InE+EIn9 —(In5+In2—|n3)+E(In2+In3—In5)=—§In5+§ln3+3In2.
4 3 4 5 4 4 2 2

Do d6 a:—g, b=2, P=-=2,
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2

2
A <R N X
Cau 53: Biét rang I
0 X+

dx=a+Inb v6i a, beZ, b>0. Hoi gia tri 2a+b thudc khoang nao sau day?

A. (8;10). B. (6:8). C. (46). D. (2;4).
Huwéng din giai
Chon D
L X 1 X i
Tacé:j dx:j(x 1+—]dx_ —-x+Injx+1 || =n3 =a=0,b=3=2a+b=3,
o X+1 x+1 2 6
4
Cau 54: Biét | :Ixzdxxzaln2+bln3+cln5 véi a,b,c 1a cac sb nguyén. Tinh S=a+b+c
+
3
A. S=6, B.S=2. C.S=-2. D.S=0.
Huéng dan giai
Chon B
Cach 1:
4 4 4
| = [ = [ dx=In— i _in3-4in2-1n3-Ins.
3 X7+ X 3 X(Xx+1) X+1, 5 4
Suyraa=4,b=c=-1 =S=2,
Cach 2:

4 4

4 4
Tacé: | :j 21 dx:f 1 dx:jldx—jidx:In4—|n3—|n5+In4:4ln2—ln3—ln5
2 XT+ X X(x+1) =X 3 X+l

Suyraa=4,b=c=-1 =S=2.

Cau 55: Biét J'—:l+1 véi a, b lacac s nguyén thudc khoang (-7;3) thi a va b langhiém
4x+1 a b
cua phu’ong trinh nao sau day?
A 2x* —x-1=0. B. X’ +4x-12=0. C. x*-5x+6=0. D. x*-9=0.
Huéng din giai
Chon B
2 2 ) 1 1 2

TacoJ. o :J. lJ'(Zx—l)zd(Zx -1) = ——1+1:i+1

4x* —4x+1 12x 1) 29 22Xl 6 2 -6 2

a=-b6 a=2
Suy ra {b—z hoac {b— 6 va a, b la nghiém cia phuong trinh x> +4x-12=0.

Cau 56: jx +X+1dx:a+lng Vi a, b 13 cc sb nguyén. Tinh S =a—2b.
3
A S=-2, B. S=5. C.S=2. D. S=10.
Huéng din giai
Chon C
5 5
Tac6 jx+—x+1dx=j(x+i]dx=(lx2+|n|x+14] =B n6-2-Ina=8+m>
s 1 3 X+1 2 , 2 2 2
Viay a=8,b=3.Suyra S=a-2b=8-23=2.
3
A 2 d L iy .
Cau 57: Biét gmzalnhblnhcln?, (a,b,CEQ). Gia tri cua biéu thirc 2a+3b—C bang
A 5. B. 4. C. 2. D. 3.
Huwéng din giai
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Cau 58:

Th.S Dang Viét Pong Truwong THPT Nho Quan A Tich Phan va Ung Dung
Chon D

3 3

IL:EI(L—L]W =1(In|x+2|—ln|x+4|)‘3=1In5—lln7+lln2.
2 (X+2)(x+4) 27\ x+2 x+4 2 o 2 2 2

Khi d6: 2a+3b—c =2. 1+3 1+1=3
2 2 2
1
Cho J.(———]dx aln2+bIn3 véi a, b 1a cac sd nguyén. Ménh dé nao dudi day ding ?
X+1 x+2
A. a+b=2. B.a-2b=0. C.a+b=-2. D. a+2b=0.
Huéng din giai
Chon D

1
1
Ta co: j%zln|x+ﬂ0:

0

1
In2 va I£:In|x+2|lzln3—ln2
0 X+2 0

1
Do d6 I(L—L]dx:In2—(|n3—|n2):2In2—|n3:a:2, b=-1

X+1 Xx+2
Vay a+2b 0.
Cau 59: Biét j ox +12 dx=aln2+bIn5+cIn6.Tinh S=3a+2b+cC.
x> +5X+6
A. 3. B. -14. C. 2. D. -11.
Huéng din giai
Chon D
5x+12 5x+12 A B (A+B)x+3A+2B
Taco: — = = + = 2 '
X*+5x+6 (x+2)(x+3) x+2 x+3 X* +5x+6
A+B=5 A=2
= :
3A+2B=12 B—3
Nenj XH12 —dx+ —dx—2ln|x+2”3+3ln|x+3”3
X2 +5x+6 > X+ 2 +3 2 2
:3In6—ln5 2In4 :—4In2—ln5+3ln6 .Vay S=3a+2b+c=-11,
DANG 4: TICH PHAN HAM VO TI CO BAN
2
Cau 60: Tinh tich phan | = [/4x+1 dx.
0
A 13. B 13 C. 4. p. 4.
3 ) 3
Hwéng dan giai
Chon B
2 2 1 2
Taco | :J'\/4x+1 dx :j(4x+1)5 dx L g(4x+1) :E.
: : 43 o 3
1
Cau 61: Biét rang Ilzf(x+ X+1)dX:%+b\/E. Gia trj cua a—%b la:
0
A -1 B.-2. C.-3 D.-4.
Huéng din giai
1
Biét rang Ilzf(x+ X+1)dX=%+b\/E. Gia tri cua a—%b la:
0
Ta co:
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1 2 1
Ilzj(x+ x+1)dx: X—+E (x+1)3 :—£+M:a:—l,b:£:a—§b:—2
) 2 '3 : 3 3 4
Chon B
2
1 .
Cau 62: Tich phanl| = | —=——==dxban
P !2\/x+2 J
1 1
A l=1-— B. 1=2V2. C.l=2-—+—. D.1=2-+2.
7 72
Huéng dan giai
Chon D
2
1 2
Taco: | =| ———dx=vx+2 :2—\/5.
J.2\/x+2 ‘0
2 N
Cau 63: Cho =avb- JE+—, a,beN"). Tinh a+2b.
J.\/x+2+\/x+ 3 ( )
A a+2b=7. B. a+2b=8. C.a+2b=-1. D.a+2b=5,
Huéng din giai
ChonB

[z e)ax=2( {2y oy

Taco

J'\/x+2+\/x+ :

Dodoa=2,b=3, a+2b=8.

X a+b\/§
dx =

+\/2x+1 9

A. T=-10. B.T=-4. C.T=15. D. T =8.
Huwéng din giai

8 2
=23--2+=.
3 3

v6i a, b la céc sé thyc. Tinhtong T =a+b.

1
Cau 64: Biét tich phan
lx/?ax +1

Chon D

x(\/3x+1 J2x+1)

:j(\/3x+1—\/2x+1)dx

0

dx =

Taco
I\/3x+1+\/2x+1

T
_ H(sxﬂ)i -(2x1)t o E(3x+1)2 —%(2x+1)2}

a8
!

1

0

Cau 65: Tichphan | = | x+/x+1dx c6 gia tri la:

: - +—.
3 15 5 3 15

w/(a+1)3 4 5 IZZ\/(a+1)5 2)(a+1) 4

1/ a+1 1/(a+l)3 +i _— 2\/(a+1)5 2\/(a+l)3 4
«/ a+1

3 15 ) 5 3 15
Hwéng dan giai
Tich phén | :Ix\/x+1dx co gia tri la:
0
Ta co:
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I:J.x X+1dx = I(x+l VX +1dx — j\/x+ 1dx = I Xx+1) 2dx I X+1) 2dx

0 0

2 s [2 32 5 2 3 4
=l =(x+1)2 || —| =(x+1)2 || ==/(x+]1) —=4/(x+1) +—

200v1e | < S00n | =20et -5 0eny

1
Cau 66: Tichphan | = [ ————dx c6 gia tri la:
SAXx+1-1
A. I=%+2. B. |=£—2 C. I—ﬂ—l D. I=¥+1.
Huéng din giai
1
X .
Tichphan | = | ———=——dx c0 gia tri la:

p jl —— dx cgiatri
Ta co:

X 1 X 1 [2 3 j|1 4\/5
——=VX+1+1l= | = | ——dx= | (VX+1+1l)dx=| =(x+1)2+ X || =——+2.
Vx+1-1 ;[\/x+1—1 _jl( ) 3( ) , 3

DANG 5: TICH PHAN HAM LUQNG GIAC CO BAN
Cau 67: Tinh tich phéan Isin 3xdx .
0
AL B. L. c. -2 D. 2.
3 3 3 3
Hwéng dan giai
Chen D
Taco Isin3xdx:—1cos3x|g =—1(—1—1)=3.
0 3 3 3
% T
Céau 68: Tinhtich phan I :Isin(z—xjdx.
0
A. |=%. B. 1 =-1. C. 1=0. D. =1
Huéng din giai
ChenC

2 % T T

jsm T _xldx=cos| Z-x | =cos| - |-cos| &

0 4 0 4 4

A . A 3dx .
Cau 69: Tichphan | = [—— biing?
» sin® X
1
A. cotZ —cotZ. B.cotZ+cot>.  C.-cotZ+cot>. D.-cot=—cot>.
3 4 3 4 i 3 4 3 4
Hwéng dan giai
ChenC
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z
dx 3
—— =—Ccotx| .
sin“ x

T

3
TacéI:J'

T K2

4 4
V4

2
Cau 70: Biét jcosxdx:a+b\/§ . VGi a, b lacacsé hituti. Tinh T =2a+6b.

3
A T=3. B.T=-1 C.T=-4. D.T=2.
Huwéng din giai
Chon B

- N .
Ta co: Icosxdx :smx|,2, =1—7.Vay 2a+6b=2-3=-1,
z 3

3

3
Cau 71: Tichphan | = j sin xdx co gia tri I1a:
0
A l=1. B. | =0. C.l=-1. D. Ca A, B, C déu sai.

Huéng dan giai

Tich phan | = | sinxdx co gia tri la:

O v [y

T
T

2
Céach 1:1 :Isin xdx = (—cos x)‘oE =1.
0

Chon A ‘
Céch 2: Dung may tinh cam tay.

b
Cau 72: CO6 bao nhiéu sb thuc b thudc khoang (7;37) sao cho j4cos 2xdx =17

A. 8. B. 2. C. 4. D.6.
Huéng din giai
Chon C
b 1 b="+kr
Tacé:f4c052xdx:1<:>25in2x5’,:1<:>sin2b:_<:> 12
2 o
4 b=—+krn
12
Do d6, c6 4 s6 thuc b thoa man yéu cau bai toan.
2
Cau 73: Tichphan I = I(sin x—cos x)dx co gié tri la:
:
Al =1 B.1=2. C.l=-2. D. I =-1.
Huwéng dan giai
2
Tich phan I = I(sin x—cos x)dx co gié tri la:
:
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Cau 74:

Cau 75:

i
(sinx—cosx)dx = (—cosx—sinx)|2, =-2.
2

'—.M\N

Céch1me(0;2017):1 =

NN

Chon C ‘
Céch 2: Dung may tinh cam tay.

§ =[N

Tich phan I = | (sin2x—cos3x)dx co gié tri la:
2
Al=2 B.1=3, ci=-3 D.1=-2,
3 4 ) 4 3
Hwéng dan giai
g
Tich phan | = I(sin 2x—cos3x)dx co gia tri la:
;
, & 1 1.\
Céach1l:1 = I(sm 2x—cos3x)dx:(—Ec052x—55|n3x] =—=
s -
Chon C

Céch 2: Dung may tinh cam tay.

Két qua cua tich phan |(2x—1-sinx)dx duoc viét ¢ dang a, b €Z . Khang dinh ndo sau day la

O [N

sai?

A. a+2b=8. B.a+b=5. C.2a-3b=2. D.a-b=2.
Huéng din giai

Chon B

j;(ZX—l—sinx)dx:(xz—x+cosx)E:%2—%—1: (%—%) -1

Viay a=4,b=2.Suyra a+b=6.Vay B sai.

T

2
Cau 76: Cho tich phan j (4x—1+cosx)dx = n(z—%j+c (a,b,ce@Q). Tinh a-b+c
a
0
A. -3 B. 1. C. 2, D. %
Huwéng dan giai
Chon B
2 z r 1
Taco I(4x—1+ cos x)dx = (2x2 —X+sin x)‘2 = n(———]+1.
) 0 2 2
Suyra a=2,b=2,c=1nén a-b+c=1.
~ i ar C\/§ , n a LLe ., ,
Cau 77: Biét I 3+4SIn X)d =5 8’ trong do a,b nguyén duong va Y toi gian. Tinh a+b+c.
A.8. B. 16. C.12. D. 14.
Huéng din giai
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Chon D
Ta co:

(3+ 4sin® x)dx =

57 3V3

6 6
Suyra a=5, b=6, c=3.
Vay a+b+c=14.

[3+ 2(1—cost)]dx = | (5-2cos2x)dx

O [N
Oy | N
O e [N

Cau 78: Cho gia tri cua tich phan I, = | (sin2x+cosx)dx=a, I, = | (cos2x+sinx)dx =b. Giatricuaa

§ [N
W [N

o =
+bla:
3 3 3 3 3 3
A P=243. B.p=24Y2, C.P=2_.3. D.p=2_Y2
4 V3 4 2 4 V3 4 2

Huéng dan giai

3
Cho gia tri cua tich phan 1, = | (sin2x+cosx)dx=a, I, = J'(c032x+sin x)dx=b.Giatricuaa

§ —w |y

_ =
+bla:
Céch 1:
Ta co:
: :
I, = I(sin2x+cosx)dx: —1c032x+sinx =§+£:>a:§+£,
z 2 _z 2 4 2
_ .
: :
|2=J.(COSZX+SinX)dX: lSiﬂZX—COSX 2—3:>b=£.
2 2 2

us
3

w|y

:>P:a+b:%+\/§.

Chon A
Cach 2: Dung may tinh cam tay vi cac gia tri rat quen thudc hoc sinh c6 thé nhan ra.

2
Cau 79: Tichphan | = [ (sinax+cosax)dx, véi a0 co gid tri I

A Il =—|sinfa=-=|-sin|a=+—
a | 2 4 2
B. |l =—]|sin|a——— |[+sin| a—+—
a | 2 4 2
C.l=—]sinfa=——=—|+sin| -a—+—
a 2 4 2 4
D.l=—/|-sinfa———|+sin| a—+—
a | 4 2 4
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Huéng din giai

Tich phan | =

§ =l

(sinax+cosax)dx cd gia tri la:

N

Ta co:

2

i = (%sin (ax—%n

ya
. 1 1.
| = j(sm ax+cosax)dx =| ——cosax+—sinax
_r
2

a a x
2 .
:ﬁ sinfaZ—Z |+sin[ aZ+ 2
a 2 4 2 4
Chon B

b
Cau 80: Chohamsé f(x)=asin2x—bcos2x thoamén f ‘(%):—2 va J'adx:3.Tinht6ng a+b bang:
A. 3. B. 4. C. 5. D. 8.
Huéng din giai
Chon C
f'(x) = 2acos 2x +2bsin 2x

f‘(%):—2<:>—2a=—2<:>a=1

b b
jadx=jdx=3<:>b—1=3<:>b=4
a 1

Vay a+b=1+4=5.

0
Cau 81: Cho tich phan I cos2xcos4xdx =a+b+/3, trong d6 a, b Ia céc hing sb hitu ti. Tinh e* +log, |b]

3

A 2. B. -3. C.%. D. 0.
Huwéng dan giai
Chon A
0
Ta co: J‘O,, C0S 2X COS 4xdX :EJ'O,,(cos6x+cos 2x)dx :l(lsin 6x +Zsin 2x] :l\/ﬁ.
-z 212 2\ 6 2 . 8
3
r 7 1 A a — A0 1 —
Do dotaco a=0, b:—g. Vay e* +log, |b| =e +Iogzg =-2.
2
Cau 82: Tich phan 1 :j(cosx—l) cos’ xdx cé gia trj la:
0
Al=Z_1 B.1--2_2 c1=-%.1 D.1=-%42
4 3 43 R 43
Hwéng dan giai
2
Tich phan I = [ (cosx—1)cos® xdx c6 gid tri &
0
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n doi:

e\
cosS xdx—[t——]
3

Cau 83: Cho | :I(sin 3x+c0s” x)dx = (acos3x +bxsin+csin 2x)[¢ . Gia tri cia 3a+2b+4c I
0
A. -1 B. 1. C.-2. D. 2.
Huwéng din giai

>~

Ta bi

K

c:l--;ha\N

i(cosx 1)cos® xdx = jcosx 1-sin x)dx -
0

, VoI t=sinX.

.

Cho | :I(sin 3x+c0s” X ) dx = (acos3x + bxsin+csin 2x)[¢. Gia tri cia 3a+2b+4c I
0

Ta co:
3 3 :
1, :j(sin 3X+C0s’ x)dx:j(sin 3X+M]dx:(—lcos3x+lx+lsin ZX]
5 5 3 2 4 0
:a:—l,bzl,c:£:3a+2c+4c=1
3 2 4

DANG 6: TICH PHAN HAM MU - LOGARIT CO BAN
1

Cau 84: Tichphan [e dx bing
0

A e-1 B. 1 1. c. &1 D. 1.
e B e
Hwéng dan giai
1 1_ _
Tacc’):je‘xdx:—e‘X :—(1—1]:9—1.
0 e e
2018
Cau 85: Tich phan | = j 2*dx bing
0
A. 2% _1, B. 22018_1. C. 27 . D. 2218,
In2 In2
Huwéng dan giai
2018 x |2018 2018
1= [ -2 -Z -1
5 In 2|O In2
, 4 ]_ 0 __]_ 4
Caugé: Biét | f(9dx =2 va. | f(dx=—". Tinh tich phan 1 = [[ 4e” +2f (x) |d
-1 -1 0
A. | =26, B.1=4e%-2. C. | =4¢€t. D. 1 =2e*-4.
Huéng din giai
4
Taco | = [[4e” +2f(x)] +2j dx+2j
0
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e 1=2(e —1)+2.1+ 2L s
2 2
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TICH PHAN DPOI BIEN SO

PHUONG PHAP TiCH PHAN POI BIEN SO DANG 1
Cho ham s y = f (x) lién tuc trén doan [a;b].Gid sir ham sb u=u(x) c6 dao ham lién tuc
trén doan [a;b] va a <u(x)< B. Gia sur c6 thé viét f(x) = gu(x))u'(x),x e[a;b], v&i g lién tuc
trén doan [«; B]. Khi do, ta co

u(b)

| =j)'f(x)dx= [ g(u)du.

u(a)

Dau hiéu nhan biét va cach tinh tinh phan

Dau hiéu C6 thé dat Vidy
. 3 x3dx
1 Co f(x t=4f(x | = .bat t=vx+1
JEX JEX) [, o D=
2 | CO6 (ax+h)" t=ax+b I :J:x(x+1)2°16dx.Dét t=x-1
getanx+3
3 Co af® t=1(x) I:J.4 -—dx. Dt t=tanx +3
0 cos” x
_ ¢ bié ’ In xdx
4| c6 Zvamy | t=Inx hode bieuthic =[P Pt t=Inx+1
X chtra Inx 1 x(Inx+1)
5 Cé e*dx t=e’ hOQ’iC bixéu thirc I :J;nzeZX\ISeX +1dx. Dat t=+/3e* +1
chtra e
6 C06 sin xdx t=cosx | :J'fsine’xcosxdx. Dit t=sinx
; . = sin®x g
7 CO cosxdx t = sin xdx | =| ————dx Dat t=2cosx+1
0 2cosx+1
. dx |=J'% L dx:J'%(lthanzx) 1 i
8 Co 0 t=tanXx 0 COS4 X 0 COS2 X
cos* X
bat t=tanx
) dx k3 ecotx ecotx
Céo = l=|4——dx= dx . Pat t=cotx
o sin? x t=cotx J"g 1-c0s2x 2sin% x '
BAI TAP
HUONG DAN GIAlI
Caul: Chohamsé Y= ' (x) lién tuc trén [a.b] Gia s ham sé Y = u(x) ¢6 dao ham lién tuc trén
[a’b] Va u(x)e[a,ﬁ] VXe[a,b]’h(m nira f (u) lién tuc trén doan [a,ﬁ].
Ménh dé nao sau day la dang? X =42
b b u(b) b
A. jf[u(x)]u’(x)dx:jf(u)du. B. f[u(x)]u'(x)dx=jf(u)du.
a a u(a) a
b u(b) b b
Q._I fu(x)]u’(x)dx= I f (u)du. D. jf [u(x)]u’(x)dx:j f (x)du.
a u(a) a a
Huwéng din giai
Chon C
bat u(x)=t=u'(x)dx=dt.
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Dbi can

Khi x=a thi t=u(x); khi x=b thi t=u(b).
b u(b) u(b)

Do dé [ f[u(x)]u'(x)dx= [ f(t)dt= | f(u)du.
a u(a) u(a)

HAM PA THUC VA HAM HUU Ti

3
Cau2: Tinhtich phan 1 = [x(x-1)"" dx.

1

~2003.2'°* 1502.2"" C < 3005.2'*

B..I =

1003002 == 501501 " 1003002

Huéng din giai
bat x-1=t, khi x=1=t=0; x=3=1t=2.

2 2 t1002
Do d@d | = | (t+1)t™%d (t+1) = | (t™* +t°%)dt =
040 1=[(t+1)t™d (t+1) !( ) (1ooz+1001

0

~ 21002 21001 _ 21001[ 2 1 ] 1502 21001

= +
1002 1001 1002 1001 501501
Chon B

2
Cau 3: Tich phénj' 2X dx bang
o X +3

A 1Iogz. B. Inz. C.
2 73 3

Nv I'\>||A

Huéng dan gi
Chon C

1 2
d(x2 +3) :Eln‘x2 +3‘
0

1 1
:E£x2+3

1
Cau 4: Tichphan | j
0 1+ X )
Al B. =2 c 4
16 16 3 17
Hudng dan giai
Chon A

2
dat t=(1+x") = | =5j(%—t%+t13]dt=%|nz—%

1 2
A X 1 NPTV S X
Caubs: Cho J'S—ldx:glna,a la cac so hiru ti. Gia tri cua a la:
X® +

A.2. B. 3. C. 4.
Huéng din giai
2

1
Cho j ;( dx:llna. Giatricuaa la:
X 3

X t1 1 2 1
dx:...:!—d :§(|n|t|)\1 =3h2=a=2.

|1.
3

1.7
==In—.
2 3

2003.2%%
501501

~dugc kétqua | =aln2-b. Gid tri a+b la:

D.5.
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0

Cau 6: Tich phan I :J. dx,voi a=—-2 cogia tri la:

Jaxt+2
In2+|n|a+2| In2—|n|a+2|
2 2
—In2-Inla+2 —In2+Inja+2
C - [2+2 D. 1= a+2
2
Hwéng dan giai
0
Tich phan | J. dx,v(yi a=—2 cogiatrila:
ax +2

Ta nhan thy: (ax +2)'=2ax. Ta ding ddi bién s6.
Pit t =ax’ + 2 = dt = 2axdx .

o {x:0:>t:2
Dol can .
X=-1l=t=a+2
_ J'_dt— (I |t|)a+2 (In2 In|a+2|)
a+2
Chon B
HAM VO Ti

1
Cau 7:  Cho tich phéan J' 31—xdx, v6i cach dat t=31—X thi tich phan da cho bang véi tich phan nao
0

sau day?
1 1 1
A. 3jtdt. B. jtSdt. C. 3jt2dt. Q._3jt3dt.
0 0 0 0
Huéng din giai
Chon D

bit t=J1-x =>x=1-t° :>dX=—3tzdt,déican: x=0=t=1, x=1=1t=0.
1 1

Khi d6 ta c6 j \3/1—xdx:3j t3dt .
0 0

2
Cau 8:  Trong cac tich phan sau, tich phan nao c6 cung gia tri véi | =I X3/ x? —1dx

A. % th\/tTldt. B. J?tﬂdt C. j 1)t’dt.  D. jf(x2 +1)X%dx .
Huwéng din giai.

Pat t =X —1 =12 = x2 1= tdt = xdx

Xx=1=1t=0, X:Z:t:\/é

I :j2x3\/x2 —1dx :If(tz +1)t2dt

Chon C
Cau9: Néu J'1+\/_ If(t)dt v6i t=+1+x thi f(t) 1a ham sé nao trong cac ham sé dudi
day ?
A ft)=2t>+2t B. f(t)=t"—t C. f(t)=t*+t D. f(t)=2t*>-2t
Huéng dan giai
Chon D

Piat t=+v1+X, suyra t* =1+ x, 2tdt = dx
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t _1 2 2
Taco dx = 2tdt = | (t—1).2tdt = | (2t> —2t)dt
J’1-+\/1+x !1+t !( ) !( )
dx .
Cau 10: Tich phan ban
P !x/3x +1 :
A.ﬁ. B.E. C.l. D.g.
3 2 i 3 -3
Hwéng dan giai
Chon D

Pit t =v3x+1 = t* =3x+1 = 2tdt = 3dx :%dt =dx

Déican- Xx=0=>t=1; x=1=t=2

Khidéjm 3j tdt——jdt— =3
Céch khéac: Str dung cong thu*cj _2 ax+b+C thlj o :3\/3x+11 :E
ax+b a o V3x+1 3 0
4
Cau 11: Biét | :!ﬁdx:amlnzwi a,b 1a sé nguyén. Tinh S=a+b.
A. S=3. B.S=-3. C.S=5. D.S=7.
Hwéng dan giai:

Chon B

=V2Xx+1=1% = 2x+1= 2tdt = 2dx

x=0=>t=1

{x:4:t:3

|—j L dx—Js't H > t+5Inft—5))[ =2-5In2
[ Aol Ja-(snos)] -e-snz

Suyra: a=2;b=-5=S=a+b=-3.

4
. dx 2 . )
Cau 12: Chotichphan | =| ——==a+bIn= Vvéi a,beZ . Ménh d¢ nao sau day dung?
P £3+\/2x+1 3 yauns
A. a-b=3. B.a-b=5. C..a+b=5. D. a+b=3.

Huéng din giai
Chon C

bit t =v2x+1 = t? =2x+1 = dx =tdt .
DolCan Xx=0=t=1; x=4=1t=3

¢ dx ? tdt 2
Khido I = = | =2+3In<
ido £3+\/2X+1 J1‘3+t j( j =(t-3inft+3) +3In
Do 3@ a+b=5.

Ve
. L 2 . L \
Cau13: Biét | xvx’ +1dx:§(a—\/5),v<’yl a,b 13 cac s6 nguyén duong. Ménh dé nio sau day ding.
1
A._a=2b. B. a<b. C.a=b. D. a=3b.
Huéng din giai
Chon A
Pitt=vxX’+1=t? =x>+1=tdt = xdx. Pdican x=1=t=v/2:x=/3=>t=2
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\@ 2 t3 2
Khi do j Xy X2 + 10X = j t2t = —
1 7

1

Cau 14: Cho | :J'

:%(4—\/5).V$1y a=2b.

V2

dx =a+/2 +b. Gid tria.b 1:
1

o VX +

A -1, B.-2. C. 1. D. 2.
Huéng dan giai

1

Cho |=j dx = av/2 +b. Gia tria.b Ia:
1

0

Ta co:

x=0=>t=1

Pit t = x? +1= dt = 2xdx . D6i can .
X=1=>t=2

:_j_dt—f l1=a=1b=-1=ab=—

Chon A
2 2
Cau 15: Véi a,b,ceR.bat | =I 4-x dx=a—|n9. Giatri cuatinh abc la:
T X C
A. 3 B. -24/3 C. 243 D.—/3

Huéng din giai
Chon D
Pay l1a dang toan tinh tich phan dé tranh tinh trang bam may tinh nén chung ta can phai nho
phuong phép lam. C6 hai cach dé Iam bai toan nay la chuyén vé lwong giac hoic phé can.
Duéi day la mot cach

bit t =v4—-x* = t? =4-x* = tdt = —xdx
It(—tdt) J'

th dt = f(1+ ]dt ( +In
Bl -4 t* -
Suy ra abc:—\/_(Z—\/_)(2+\/_):_\/_

3

0

2\ 523

0
t
)

t+2 i 2+\/§

t+

»
Cau 16: Gia tri cua | :j duoc viét dudi dang phan sb téi gian % (a, b 1a cac s6 nguyén

\/1+ X2
duong). Khi d6 gi4 trj cua a—7b bang
A 2. B. 1. C.0. D. -1.
Huéng din giai
Chon B
h 1: Tinh | f x'dx
Céac | =
0 Y1+ X

DPat u =31+ x? :guzdu:xdx.Déican: x=0=u=1; x=+7T=>u=2.

) 3%(u’-1)u’ 32 141
Vaylzzjudu:gj( )du—

1 u 1 20

Suyra: a=141, b=20.

Vay a—7b=1.

V7 3
Céch 2: Ding MTCT I = [ — XX 701142
L
Suyra: a=141, b=20.
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Vay a—7b=1.
) e m s m
Céau 17: Cho biet j dx =— véi — la mot phan s tdi gian. Tinh m - 7n.
o Y1+ X n n
A 0. B. 1. C. 2. D. 91.
Huéng dan giai
Chon B

3t2dt

Piat t =31+ x? = t* =1+ x* = 3t%dt = 2xdx = xdx =

Péican: khi x=0=t=1:khi x=7 =>t=2

2
-1 2 2 141
j —j—t 3 - Ejt (1 ~t)t= s(e_t) 1
13/1+X 2 25 2) 20
= m-7n=141-7.20=1.
HAM LUQNG GIAC
Cau 18: Tlm khang dinh dung trong cac khang dinh sau
1 1
A. jsm 1-x dx jsmxdx B. jcos(l—x)dx:—jcosxdx.
0 0
.
C. Icos—dx:jcosxdx. D.
0 2 0

Isingdx = isin Xdx .
0 0

Huwéng dan giai
Chon A

1
Xét tich phan jsin (1-x)dx
0
bit 1-x=t=dx=-dt. Khi x=0=1t=1; Khi x=1=1t=0.

1 0 1 1
Do do |sin(1-x)dx = jsint(—dt) = [sintdt = [sinxdx.
0 0 0

3
Cau 19: Tinh tich phan | Ismx
) cos®
A= B.1=3. co1=r.2 D.1=2
2 2 3 20 4

Huéng din giai
Chon B
bat t =cosx = dt = —sin xdx.

Poican: x=0=t=1; x=§:>t=%.

—£+2:§.
2 2

Khido: | =

£ B

._t_,,\”._

SV
1
2

T

3
Cau 20: Cho I = Jsinz Xtan xdx = Ina—%. Chon ménh dé diing:
0
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A a+b=4 B.a-b=2 C..ab=6
Hudng dan giai
Chon C
bat u =cosx = —du =sin xdx
T 1
. | x== u==
boi can 3= 2
x=0 u=1
1
2(1-u?)(~du) 2 T
I:Iwzj(l—u]du: Inu—u— :In2—§
1 u 1\u 2 |1 8
2 2
A . 4 00os2x 1 L, N
Cau2l: Cho I= j dx==In3. Timgid tri cua a la:
o 1+2sin 2x 4
A.3 B.2 C.4
Hudng dan giai
Chon C
1+2sin A
bat t =1+ 2sin2x du’adénI:% j ﬁ_ll g|iresinn/a —

1
suyra l+2sin2/a=3 suyraa=4.

T

1
Cau 22: Biét I, :j.(l+tanzx)dx:a va l, :j(x2+\/;)dx:(bx3+cx;]
0

0
trictaa+b+cla
A 1. B.2. C.3.
Huéng din giai

Biét 1,

o'—.h\ﬁ

Ta co:

(1+tan x)dx j’ ! dx:...:jtdtzl,véitztanx.
0

1
1+tan’x)dx=a va I, x2+\/§ X = bx3+cx%
= {1+tan*x) ( i

D.a"=4

g

,avablacac sb hitu ti. Gia

0

D. 0.

.Gidtrictaa+b+cla;

0

Chon B
A ; A 2 sin2x PSRN
Cau 23: Tich phéan 1 :I—dx co gia tri la:
0cosx+cos3x
1 Y21 _— ny2-2 | V241
\f 2+2 V2+1 ' zﬁ 22 )
f 1 o L ﬁ +2 f 1
<! \f 2+2 V2 +1 ' \f -2 ﬁ+1
Huwéng din giai
DT: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 7

Facebook: https://www.facebook.com/dongpay



ST&BS: Th.S Dang Viét Pong Truwong THPT Nho Quan A Tich Phan va Ung Dung

3
Tich phan | = [ ——=— SIN2X__ 4 o6 gia tri la:
5 COS X +C0S 3X
. e R
I:j sin 2x - dxlzj sm2x dX:IZ S|r21x 1dx:... \/_( ://:t 1]
Ta bién dbi 5 COS X + COS 3X 5 COS2X 5 2C08° X — 2t+1 |
S R R
2\/5 \/§+2 \/§+1
VGl t =CcosX.
Chon C
Cau 24: Xét tich phan | :J' sin2x dx . Néu dat t=v1400SX, khang dinh nao duéi day 1a ding?
5 V1+Ccos X
1 443 1 3 V2
A= a4t g j_4t G Co =4[ (r*-1)dt. D.
w ot 7 1
N
| =4[ (t*-1)dt
1
Huéng din giai
Chon C

—sin X sin x
piat t=v1+cosX = dt =————dx > ————dx =-2dt
' 2+/1+cos X 14 cos X

=t’=1+cosx=>cosx=t>-1

Déicén x=0:>t=\/§;X=%:>t=1.

2cosxsin xdx — [ 2(t2 —1)(=2)dt = -4 —Ddt=4 —1d
oL j(t )(-2)dt = j(t )ot = j(t )t

3 o
:I:ISInZXdX B
0

W1+ cos X -

Oy

K

Cau 25: Cho f Ia ham sé lién tuc thoaj dx 7.Tinh 1 _Icosxf sin x)d

Al B. 9. C. 3. D.7.
Huwéng dan giai
Chon D

Dit t =sin x = dt = cosxdx . Pdicdn x=0=t=0, x:%:tzl.

T

2 1 1
Taco | = [cosx.f(sinx)dx=[f (t)dt=[f(x)dx=7.
0 0 0

Cau 26: Chohamsé f(x) liéntuctrén R va I x)dx =12,

-1

f (2cosx)sin xdx bang

w\a'—.w‘g’

A -12. B. 12. C. 6. D. -6.
Huéng din giai
Chon C
bat t =2cosx = dt =—2sin xdx .
Dbi can
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x 2T
3

r| | -1

f (2c05x)sinxc = | 1 (t)(—%)dt L =%j £ (x)dx =6.

1

w\a'—.w‘g’

HAM MU - LOGARIT

1
Cau27: Cho I = [xedx. Biét ring 1 =22 Khido, a+b bing
0
Al B.O. C.2. D. 4.
Huéng dan giai
Chon C
112 1112 2 1,01 e-1
Taco | =[xe dx=—=[ed(1-x")=—Ze™ | ===
) 29 2 0 2
Vit=2P o _1p-1.vaya+b=2.
Céu 28: Nguyén ham cua f(x)=sin2xe la
sin? x+1 > sin? x-1
A sinfxe"™ i C. B - > +C. c.e"*+C. D. © > +C.
sin“ x+1 sin“ x-1
Huéng din giai
Chon C
Taco Isin 2xe""Xdx = jes"‘zxd(sin2 X) =¥ 4 C
1
Cau 29: Biét rang J.BeJlmdx:%e2 +%e+c (a,b,ceZ). Tinh T = a+g+%.
0
A T=6. B.T=0. C.T=10. D.T=5.

Huwéng din giai
Chon C
Pat t =v1+3x =1t° =1+ 3x = 2tdt = 3dx
Poican: x=0=>t=1, x=1=>t=2

= J'Ol3emdx :the‘dt :Z(tet E —Lz etdt) = Z(tet E —e' Lz) = 2(2e2 —e—¢? +e) = 2¢°.

b=c=0
In12
Cau 30: Tichphan I = j Vet +4dx co gia tri 1a:
In5
A. 1=2-In3+In5. B..1=2-2In3+2In5.
C.1=2-2In3+In5. D. 1 =2-In3-2In5.
Huéng din giai

a=10 A
= = T =10 nén cau C dang.

In12
Tich phan | = j \e* +4dx co gia trila:

In5

Pit: t=vVe' +4 o t* =e*+4 = 2tdt =e*dx = dx = tftdt4 :
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Céau 31:

Céau 32:

2. . |x=Inb=x=3
Dol can .
x=In1l2=x=4
¢ oot? t+2[\'
| =[——dt=2t-2In|——|| =2-2In3+2In5.
L2 -4 -2|)),
Chon B
In6 X
oz e i .
Biét tich phan | ——=dx=a+bIn2+clIn3, vsi &, b, ¢ 1acac sb nguyén. Tinh
£1+x/ex+3
T=a+b+c
A T=-1. B.T=0. C.T=2. D. T =1.
Huéng dan giai
Chon B

Pit t=Ve*+3=>1* =e* +3= 2tdt =e*dx.

. x=In6 t=3
Poi can = )
©Ix=0 t=2

In6 X 3 3
Suy ra je—dx— 2udt —j(z—itjdt=(2t—2|n|t+1|)E:(6—2|n4)—(4—2|n3)
2

01+\/ex+3 _zm_ 1+
a=2
=2-4In2+2In3=<b=-4.
c=2
Vay T =0.
L ¢ Inx
Vi cach doi bien u=+/1+3Inx thitich phan | ————=dx tr& thanh
P !x\/1+3lnx
2 2 2 2 2
A. zJ‘(uz—l)du. 5._zj(u2—1)du. C. Zj(uz—l)du. D. zJ‘u—ldu.
31 9l 1 91 u
Huéng din giai
Chon B
B ) u’ -1 dx 2u
U=v1+3Inx = u*=1+3Inx = Inx = i :>—=?du.
X

Khi d6 j'n—xdx:j 3 2—“du=zj(u2—1)du.
1

Xv1+3Inx T u 3 94

e
A e A V1+3l . . . .
Cau 33: Tinhtich phan | = [ V1+3INX 4y bing cach dit t=1+3INX , ménh dé nao duei day sai?
X
1
2 52 2° 2% 4 14
A l==t3". 5._|=—jtdt. C.1=<[tt. D. I=2,
9 1 31 31 9
Huwéng dan giai
Chon B
e
V1+3Inx
I :J.%dx, dat t=v1+3InXx = t*=1+3Ihx = 2tdt=§dx :%dt :d_x.
X X
1
poican: x=1=t=1; x=e=t=2.
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2° 232 _14

l=|— =—.
3 9 b 9

B — N

Cau 34: Tichphan | :J.x(ln2 X-+Inx)dx co gi tri la:
1
A | =-2e. B.l=—e. C..l=e. D. I =2e.
Huwéng dan giai
Tich phan | :jx(|n2x+|n x)dx c6 gia tri la:

e

Ta bién doi: | _I In’x +1In x)dx:jxln x(Inx+1)dx.

1 1

bat t =xInx= dt =(Inx+1)dx.
. {x—1:>t— ‘
Dol can j
X=eg=>t=e 0
Chon C
e 2
Cau3s: Tich phan 1 = [ 2N XL o6 gt fa
X
1
Al _42-2 g 1 - H2+2 c1o22-2 D, | =22+2
3 3 ) 3 3
Hwéng dan giai
e 2
Tich phan 1 = [N XEL 6y o6 gaivti
X
1
A e 2 . 2Inx
Ta nhan thay: (In”x+1)' =
Pt t = In? x+1= dt = 2" X gx
X
. . [ x=1=>t=1
Dol can .
X=e=>t=2
2 3 2
2.3\ 4J2-2
| =|Vtdx=| =t2 || =
fiace(56] -*5
1
Chon A
e
o (V3 - N o
Cau36: B AtJ' SJ;nde=a gﬁ,trong do @, b ¢ Jacac sb nguyén duong va C<4. Tinh gi4
1
mS:a+b+c.
A. S=13. B. S=28. C..S=25. D. S=16.
Huwéng din giai
Chon C
Dit t =3+ Inx = 2tdt :%
X
Déi: Voi x=1=t=+/3; x=e=t=2.
3+Inx ;2 16— 6\/_
|_j —zjtdt_ t‘f 5
:>a—16,b—6,c—3:S—a+b+c:25.
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PHUONG PHAP TiCH PHAN POI BIEN SO DANG 2

Cho ham s6 f lién tuc va c6 dao ham trén doan [a;b]. Gia st ham s6 x = ¢(t) c6 dao ham va
lién tuc trén doan [a; 8] sao cho p(a)=a,¢(B8)=b va a<e(t) <b véi moi t e[a; ] Khido:

b B

[ f(9dx=[f (ot Ot

a a

M@t s6 phwong phap déi bién: Néu biéu thirc dudi du tich phan c6 dang

x=alsint; te —E;E
var —x* . st 22
_lal, { T 72}

ytel——;—=|\{0

NG dat ~sint’ © 2 2 O

T

x=la|tant; te —E,—
Jx? +a? 2 2

/a+x -
a—X hoic a+x. : dat x=a.cos2t

Luwu y: Chi nén sir dung phép dat nay khi cac dau hiéu 1, 2, 3 di v6i x mii chan. Vi du, dé tinh

. A Bow2x s A NS S
tich phan 1= | thi phai doi bién dang 2 con vei tich phan | = | thi nén doi
0 VX2 +1 0 Jx%+1
bién dang 1.
1
Cau 37: Biét rang J'\/4—x2dx:2?ﬂ+a. Khi d6 a bang:
-1
A V2. B. 1. C.A3. D. 2.
Huéng din giai
Chon C
bat x=2sint = dx = 2costdt.
g
Khi do ; j\/4 x2dx = j4cost|cost|dt = j4cos tdt = j(2+2c032t)dt
_E
. = 2n
=(2t+sin 2t)‘6,r SlLENCY
,g 3
1
2 4 )
Cau 38: Cho tich phéan | :j - dx=an ,avab la cac so hiru ti. Gia tri cua a la:
0 V1—X
AL B. I, c.t p.t
2 3 4 6
Hwéng dan giai
1
21
Cho tich phan 1 :j - dx=arx . Giatricuaa la:
ov1-
Ta co:
Pit x:sint,te[—z E}:dX:COStdt.
2 2
x=0=1t=0
Dbi can 1 .
X=—=>t=—
2 6
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Oy |3

dt:£:>a:1.
6 6

Chon D
3
Cau 39: Giatricua j\/9—x2dx :%ﬂ trong d6 a, beZ va % la phan sé tbi gian. Tinh gia tri cua
0

biéu thac T =ab.

A T=35. B.T =24, C.T=12. D.T=36.
Huéng dan giai

Chon D

Piat x =3sint < dx =3costdt. Boi can; x=0—>1t=0; x=3—>t=%
2

: 3
=1=] 9_(35"”)2-3COStdt:j9cosztdt:Ig,w 9
0 0

dt=_7.Viy T =9.4=36.

1
Cau 40: Ddibién x=2sint thi tich phan | X 1o thanh
0 4—X2
: : i :
A. | tdt. B. | tdt. C. |—. D. |dt
| | o ol
Huéng din giai
Chon D
Xx=0=t=0
Piat x =2sint, khi d6 dx = 2costdt. Doi can -
X=1l=>t=—
6
1 : : : :
j J- 2cost dt — 2cost dt :J-Zcostdtzj-dt
o\/4 X 0\/4—4Sin2t o\/4C032t QZCOSt 0
a+/b 1

Cau 41: Biétrang dx = % trong d6 a, b 1a cac s6 nguyén duong va 4<a+ Jb<5

! J=X*+6x-5
. Tong a+b bang

A. 5. B. 7. C. 4. D. 6.
Huéng din giai

Chon D
a+/b 1 a+vb 1

Taco —_—dx = —X.
! V=X*+6x-5 ! 4—(x—3)2

Pit x—3=2sint, te(—% %) dx = 2costdt .

Poican x=4 :t:%, x=a+\/5 :t:arcsinaJrT\/B_?’:m.
T2 i m
[ gt =[at=tfr =m-Z.
V4—-4sin’t 6 6
6 6
Theo dé ta co m—£:£<:>arcsina+—\/6_3:£ a+\/_ 3 \/_ oa+vb=+3+3.
6 6 2 3 2 2
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Tich Phan va Ung Dung

Dodbd a=3,b=3, a+bh=6.

3
Cau 42: Tichphan I = j J(x=1)(3=x)dx c6 gid tri la:

A l= 1——3 B. I = 1—£ C..| :5—£. D. |=1—£.
6 4 3 8 i 6 8 3 8
Hwéng dan giai
3
Tich phan | :I,/(x—l)(3—x)dx c6 gia tri la:
Ta co:
3 3 3
:I,/(x—l)(3—x) X = J\/ —3—x% + 2xdx J’\/
bat x-2= smtte[ %%}:dx costdt
5 4
X E:>t:€
Doi can .
x=3=t="1
2
: 23 :
== j\/l sin tcostdt—jcos tdt:lerC—OStht:%(x+%sin2tj :E—ﬁ
5 G G s
Chon C
1
Cau 43: Tich phan I:J' 21 dx cé giatrila:
o X +1
Al1=Z B.1=2 c.1== D.1=2,
2 3 ) 4 6
Hwéng dan giai
1
Tich phan | = dx cé giatrila:
P £x2+1 gt
Ta co:
1 s
| = [———dx. Ta dung di bién s.
o X +1
it x_tantte(—Z ﬁj:dh —dt.
2 2 cos“t
Xx=0=t=0
Doi can
Tlx=1=t=2
4
O
=1 =[dt=tls ==
0 4
Chon C
1
Cau 44: Khi ddi bién x =3 tant, tich phan | :J' tr(ythanhtl’ch phéan nao?
O
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: : : i
Al =3t B.I=[dt C. I =3t D. I =[=dt.
0 0 3 0 0t
Huéng dan giai
Chon B
Pt x=+/3tant = dx=+/3(1+tan’t)dt .
Khi x=0 thi t=0; Khi x=1 thi t_%
1 3(1+tan? t .
Taco | =[— i :j ( J'ﬁ
2 X' +3 5 3(L+tant) 2 3
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TICH PHAN TUNG PHAN
1. Dinh li

Néu u(x) va v(x) la cac ham sb c6 dao ham lién tuc trén [a;b] thi:

ju(x)v (x)dx = (u(x)v(x)

fv(x)u (x)dx  Hay j:udv =uv 2 —ivdu

2. Phwong phap chung

e Buoc 1: Viét f(x)dx dudi dang udv=uvdx bang cach chon mét phan thich hop ciia
f (x) 1am u(x) va phan con lai dv=v'(x)dx

e Buoc 2: Tinh du=u'dx va V:Idv :Iv'(x)dx

b
b
e Buoc 3: Tinh jvu ‘(x)dx va uv .

* Cach dit uva dv trong phwong phap tich phan tirng phan.
bat u theo thir ty vu tién:
Léc-da-mii-lwong

b b b b
[Pe)erdx | [P(x)Inxdx| [P(x)cosxdx| [e*cosxdx

u P(x) Inx P(x) e
dv e*dx P(x)dx cosxdx cosxdx

Cht y: Nén chon u la phan cia f (x) ma khi lay dao ham thi don gidn, chon dv=vdx la phan cua

f (x)dx 1a vi phan mot ham sb d biét hodc cé nguyén ham dé tim.
BAI TAP

HUONG DAN GIAI
DANG 1:

T

2
Céau 1: Tich phan I :jxsin axdx, a=0 cé giatrila:

A _FPE-3V3 o a43-33 L w4643V3 [ 7+3+43V3
- ba ba 3 ba ba
Hwéng dan giai

2
Tich phan | :jxsin axdx, a=0 cé giatrila:

3

du =dx
u=x
bat . = 1 .
dv = sin axdx V=—-C0S X
a
_ ;12 2 2 _
:I:(—lxcosx] ij cos xdx = (—1xcosx] +(£sinx] :M.
a z o as a = \a x 6a
3 3 3 3
Chon A
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pm

Cau2: Biét I (1+x)cos 2xdx_—+— (a, b la cac s6 nguyén khac 0). Tinh gia tri ab.
a
A._ab—32. B.ab=2. C.ab=4. D.ab=12.
Hwéng dan giai
Chon A
: . :
j(1+ X ) cos 2xdx =((1+ x)SIn 2X COSZXJ iz lom
0 2 4 ), 4 8 a b
> a=4b=8= ab=32.
=x° .
Cau 3: Tinhtich phan | = jx cos2xdx bang cach dat . Ménh dé nao dudi day dung?
dv = cos 2xdx
A._I:1 2 jxstxdx B. 1Ly
2 2
1 ool . 1 opeolny Fue
C.l= O+2J'xsm2xdx. D. I= 0+jxsm2xdx.
2 0 2 0
Huéng dan giai
Chon A
) du = 2xdx
. ju=X
Ta co: = 1 . :
{dv:c032xdx V:Esm 2X
Khi do6: j cos2xdx = jxsm 2xdx .
0
o 2 , .
Cau 4: Biet | :jxcos 2xdx = am@+bjsin 2xdx, ava b la cac so hiru ti. Gia tri cua o la:
G G
A~ B. = . c.-L. D. -+
—T12 24 12 24
Hwéng dan giai
Biét | —jxc032xdx am@+bjsm 2xdx . Gia tri cua — Y
6 6
Taco
z b z r a= 1
2 ) 2 — T A
| = Ixcostdx lxsm2x —EJ' |n2xdx——i—lj.sm2xdx:> 24:E:i
. 2 x 2 24 b 1 b 12
6 6 6 s Y
Chon A
1
Caub: Bietrang Ixcostdx=Z(asm2+bc052+c) Voi a,b,c e Z. Ménh dé ndo sau day la dung?
A 2a+b+c=-1. B.a+2b+c=0. C.a-b+c=0. D.a+b+c=1.
Hwéng dan giai
Chon C
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du =dx
bat H=x = sin 2x
" |ldv=cos2xdx  |v= > '

1 - 1
Khi do Ixcostdx= Xsin 2 s —%J‘sin 2xdx=%(25in2+c052—1).

0 0
Vay a-b+c=0.

. -2 .
Cau 6: Tinh nguyén haml =I(x—2)3|n3xdx=—w+b5|n3x+c. TinhM =a+27b.
a
Chon dép an dung:
A. 6 B. 14 C.34 D. 22
Huéng din giai
Chon A
du = dx
bat U=x-2 ta duogc: c0os 3x
" |dv =sin3xdx T lv=— 3

Do do:

X —2)cos3x X —2)c0S3x
| :—L+chossxdx:—L+lsin3x+c:> a:3;b:1:> m==6

3 3 3 9 9

Cau7: Tinhtich phan [x(x+sinx)dx=az*+bz . Tinh tich ab:
0

A.3 B L C.6 D. 2
3 ) 3
Hudng dan giai
Chon B
I :]'xzdx+]'xsin xdx:szdx—jxd(cosx)zx—sﬂ—(xcosx) ﬂ+jcosxdx
0 0 0 0 3 0
r® N V2
="—+4m+sinx|_ ==—r+rx
3 0 3
Cau 8: Tich phan J'(3x+2)cos2 xdx bang
0
A Srn’-rm. E._§ﬂ2+ﬂ. C. l712+7T. D. iﬂz—ﬂ.
4 4 4

Huéng din giai
Chon B

bat | = |(3x+2)cos’ xdx. Ta co:

o'—;-ﬂ

1 :%j(3x+2)(1+c052x)dx ;{ (3x+2) dx+j (3x+2)cos2xdx | = ;( +1,).

o

T

=1t 42r.

N|W o>

(3x+2 dx (3x +2x]

0

3x+2 cos2xdx . Dung tich phan ting phan

]
L
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Cau 9:

Céau 10:

o lu=3x+2 du =3dx
bat = 1. .
dv = cos 2xdx v:Esm2x
Ces 1 . 3% . 3
Khido I, ==(3x+2)sin2x ——j3|n2xdx:0+—(c032x) =0.
2 0 20 4 0

Vay | _1L §ﬂ2+2ﬂ =§ﬂ2+n.
202 4

Tinh jx(l+ cosx)dx . Két qua la

2 2 2

AL _2 B. 2 +3. c. _3 D. 2 42,
=7 3 3 2

Huéng din giai
Chon A

_ lu=x du =dx
bat = .
dv = (1+ cos x)dv V= X+SinXx

V.4 2
Khi do: j X +5Sin x dx_;r —(X?—cosx]
0

r 2 2
=n2-| T y141|=2 2
) 2 2

3
Tinh tich phéan J‘dex = az +b. Phan nguyén cua tong a+b 1a?
COS” X
0

T

A.0 B.-1 C.1 D. -2
Huéng din giai
Chon B
Déi véi bai toan nay, chiing ta sir dung phuong phap nguyén ham ting phan.
u=x du = dx
bat dx = _sinx

sin xdx

Ap dung cbéng thuc tich phan tung phan ta c6: |= (xtanx)
COS X

o oola
o'—.w\a

T
& | =(xtanx)|3 +In(cos x)
0

d(cosx)
COS X

:l_mz

NE

=(xtanx)

O w0 [N

o w|y

Suyraa=——;b=-In2.

&‘,_\ o c_;i_olél

Tong a+b = 1 In2~-0,1157969114

V3
Luu y khéi niém phan nguyén caa x I s nguyén 16n nhat khéng vuot qua X, vay dap an
dung 1a dap an B.
Nhan xét: Bai todn trén doi hoi kha nang bién doi cua thi sinh va nhdc lgi kién thizc vé khai
niém phan nguyén, sé cé thi sinh khi di thi @4 tim ra két qud phdn tich nhung ling ting trong
viéc lwa chon ddp dn vi khdng nhé rd khai niém phan nguyén.
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X

4 2
Cau 11: Cho | :J'xtanzxdx:z—ln\/ﬁ—% khi d6 tong a+b bang
0

a
A. 4 B.8 C. 10 D. 6
Hudng dan giai
Chon D
3 i 3
I :jx( 12 —1]dx :Ix. 12 dx—jxdx
5 \CO0S" X 5 COS° X 0
% 3 2
jxdx _T 61 _T
) 2|° 32
H
1
I, =X dx
' ! cos® X
u=x du = dx
bat dx =
adv=— v =tanx
COS” X
L % T r e
|, =xtanx|¢ —Itan xdx:—+ln|cosx|‘ * :Z—In\/a
0
0
2
T T
Vayl ==—InJ/2-=—
a4 4 32
2 ,
Cau 12: Tinh J'(x+sin2 x)cos xdx. Két qua la
0
A L2 B X 2 c.Z_2 D% 2,
2 3 2 3 3 3 —"2 3
Huéng din giai
Chon D
2
Taco: | :J'(x+sin2 X) cos xdx
0
2
:J'(xcosx+sin2 X c0S X)dx
0
2 2
:J.xcosxdx+J'sin2 xcosxdx =1 +1,
0 0
u=x du =dx
Tinh 1,: Dat = .
dv = cos xdx vV =sinXx
2
Nen 1, = [ xcos xdx
0
z 2 - LA
=(xsinx) |2 —|sinxdx=—=+cosx|2=—-1
(xsinx)g - 5 oosX =
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Tinh 1,: Pat u=sinx. Taco du = cos xdx. Doi can: x:0:>u:0;x=%:u=1.

1 T 2

1
1
=1, = sinzxcosxdx:J'uzdu:lu3 ==vay I =1, +1,==-=
) 3 0 3 2 3

O t—o N

Cau 13: Cho tich phan | :jo Jx.sinvxdx =az?+b. Tinh A=a—b
Chon dap an dung:
A.7 B. 10 C.6 D.2
Huwéng din giai
Chon B
*Pat u=t>=du=2tdt; dv=sintdt chon v=—cost
R 2 T b4
Vay | =2| —t°cost +ZI tcostdt
0 0
bat u=t=du=dt dv = costdt chon v =sint
I, = j”tsintdt —tsint|" —rsintdt — cost|” =2
0 o Jo 0
* Do d6: | =2{—t2costg—4}=27z2 -8=>a=2b=-8=A=10
DANG 2:
Cau 14: Cho jxe*dx ~1(aeR).Tim a?
0
A. 0. B. 1. C. 2 D. €.
Huéng din giai
Chon B
[xe'dx=1e(x-1)¢'| =(a-1)e* +1=1e>a=1.
0
1 r 2
Cau 15: Cho I =[xe”dx =ae’+b (a,b la cac sb hitu ty). Khi do tong a-+b Ia
0
A. 0. B.l. C. 1. D.l.
4 3 -2
Hwéng dan giai
Chon D
. U=x o du =dx
a aco :
" ldv=e¥dx v=len
2
X 1 x 1
Vay | :jxezxdx _Len —ijezxdx L e Ll 1 1 1.1
) 27 o 23 27 4 0 2 4 4 4 4
4o 1
T4 1
Suy ra 4:a+b=—.
1 2
b==
4
r N 1 N
Cau 16: Biét rang tich phan j(2x +1)e*dx=a+h.e, tich ab bang:
0
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A. 1. B. -1. C. -15. D. 20.
Huwéng dan giai
Chon A
u=2x+1 du = 2dx
bat = .
dv =e*dx v=¢g"

Vayj 2x+1)e*dx =(2x+1)e”

de (2x-1)e"

Suyraa=Lb=1=ab=1.

Cau 17: Timasaocho | = j x.e2dx =4, chon dap an diing

Al B.0 C.4 D.2
Huéng din giai

Chon D

a  x u=x du =dx
Taco: | J'x.ede.Dat{ X :{ x

0 dv =e2dx v=2e?
= | =2xe2 —ZJ.ede:Zae5—4.eE =2(a-2)e2+4

0 0 0

Theo dérataco: | =4 < 2(a-2)e2+4=4<a=2

1
Cau 18: Cho tich phan | :j(x +1)(e* —3)dx. Két qua tich phan nay dang | =e—a. Pép én nao sau
0

day dung?
A._a:g B.a:g C.a:g D.a:§
2 4 ) 5 3
Hudng dan giai
Chon A

{:v: X(+1 3)dx - {ji:j?: —-3)dx =(e" - 3x)

= 1 =(x+1)(e" —3x)‘: —J.:(eX —3x) dx

1
_ X ! X 3 2 _ 9
=(x+1)(e —3x)‘0—(e -3 ]O—e—a
1
Cau 19: Tim m dé j(mx +1)e*dx=e?
0
1
A.0 B.-1 C.5 D. 1
Huéng din giai
Chon D
Taco
1 1
I(mx+1)exdx:I(mx+1)dx(ex) =(mx+1)e* )=(mx+1)e mje
0 0
x Tt x _ _
:[(mx+1)e ]O—[me ]O _(m+1)e—1—me+m_e+m—1
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DANG 3.
e 2
Cau 20: Cho | =J‘xlnxdx:ae +b vidia,b,ceZ.TinhT=a+b+c.
c
1
A. 5. B. 3. C. 4. D. 6.
Huéng din giai
Chon D
du—ldx
Ta co: u=Inx né X
" |dv = xdx x?
V=—
2
. . .., 272
I Inxdx_—lnx ——dex _& .=<b=1.
1 2 1 4
c=4

Vay T =a+b+c=6.
1
Cau 21: Két qua cita phép tinh tich phan [In(2x+1)dx duoc biéu dién dang a.In3-+b, khi dé gia tri

cua tich ab® bang

A. 3. B 3. C. 1. D.-3,
2 2
Huéng din giai
Chon D
2
u=In(2x+1 du= d
Dat{ (2x+1) | fdu=o 7
dv =dx V=¥
1 " 1 1
Taco I:J'In(2x+1)dx:xln(2x+l)‘ I dx=In3- I(l— ]dx
0 0 J2x+1 2x+1
1
:In3—(x—iln|2x+1|] :Eln3—1.
2 ;2
. z 3 A 3
Khi d6 a:E, =-1.Vay ab” =—
, 2
Cau 22: Biét tich phan j 4x-1)Inxdx=aln2+b véi @, P€Z Téng 2a8+b ping
1
A. 5. B. 8. C..AL-21) D. 13.
Huwéng dan giai
Chon C
5 u:lnx:du:ldx
bat X .
dv:(4x—1)dx

TacoJ.4x 1)In xdx = x(2x— 1Inx‘ IZX 1)dx=6In2- (xz—x)‘f:GInZ—Z.
1

Vay 2a+b =10.
2 2
Cau 23: Tinhtichphan | = (x* 1) Inxdx.
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Céau 24:

Céau 25:

A _2In2+6 g | _8in2+2 c y_2n2-6 D | _6In2-2
9 9 ) 9 9
Hudéng dan giai
Chon B
2
7 . _ 2_
Céch 1: I-L(x l)lnxdx
dx
5 u=Inx du=?
at
" dV=(x2—1)dx:> x°
V="-—X
3
3 2 2 2 3 2 3 2
Dodo | = X——x Inx _J' X__l dx = X——X Inxl + x :6In2+2.
3 1 1 3 3 1 9 1 9

i(xz ~1)In de:len Xd(xg—sz(xg—lenx

1

2 2 3 2
:EInZ—I X dx:g— X x| =
3 L3 3 19

1
, . 2 o .

Két qua tich phan jo (2x+In(x+1))dx =3In3+b . Gia tri 3+b Ia:

A. 3 B. 4 C.5 D. 7

Huéng din giai

2+6In2
9

Chon C
| =] (2x+In(x+1))dx= A+B

Tinh A= j022xdx = XZE =4

Tinh B :joz(ln(x +1) Jdx
Jdx

u=In(x+1
Xem:{ ( " )tachonduc_yc du = X+1
dv = dx v=x+1
Dung cong thirc tich phan ting phan
B= j (In(x+1))dx = (x+1).In( x+1 jx+1dx 3In3- x| =3In3-2

Vay: | :j (2x+In(x+1))dx =3In3+2

Biét dx=ave+b véi a,beZ. Tinh P=ab.
I
A P=4. B.P=-8. C.P=—4. D. P=8.
Huwéng dan giai

Chon B

u=Inx du:%
bat dV_dx—> X

X |dv=2Vx

a=-2

Suyraj—dx Zﬁlnx‘ o

F dx e e
2!ﬁ=2\&|nx‘1—4&‘1 =-2Je+4 :>{
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Vay P=ab=-8.
1
Cau 26: Cho biét tich phan 1 :J'(x+2)ln(x+1)dx=aIn2+%7 trong d6 a, b la cac s6 nguyén
0
duong. Tim ménh dé dung trong cac ménh dé sau:
A._a=Db. B. a<b. C.a>b. D.a=b+3.
Huéng dan giai
Chon A
d b d
u=In(x+1) =21
bit 1 i , .
v =(x+2)dx v X oy
X i yax 5 17 3
I =|| =+2x|In(x+1) | -= dx :—In2——J' X+3——— |dx
2 . 27 x+1 2 2+ X+1
5. . 1[x? 1 7
==In2-=| —+3x-3In(x+1) | =4In2+—.
2 2| 2 . 4
Suyraa=4,b=4.
Vay a=Db.
Cau 27: Cho tich phéan | :J.(x+ijln xdx =ae’+b, avab 1a cac sb hiru ti. Gia tri caa 2a—3b 1a:
X
1
AL B. 13 c.-B p. -1
2 4 T4 2
Hwéng dan giai
Cho tich phan 1 :J.(x+ijln xdx = ae’+b. Gia tri cia 2a—3b la:
X
1
Ta co:
e e e 2 € e 1 2
:j(x+£]ln xdx:jxln xdx+j£|n xdx = X—Inx —J'idx+.[dt:e—+§, véi t=Inx.
1 X 1 X 2 ) 1 2 0 4 4
:>a:l b:E:Za 3b_—E
4 4 4
Chon C
. L4 1 . . . . . .
cay 28: Cid Su’J‘ n;(+ dx=aln’2+bIn2, voi a,b la cac sé hitu ty. Khi d6 tong 4a+b bang.
1
A 3 B.5 C. 7. D. 9.
Huwéng din giai
J‘4Inx+1 I(Mnx 1jdx 4jlnxd Inx)+ J‘ldx=2In2x‘2+In|x”2=2In22+ln2.
1 1 1 X ! '
Chon D
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UNG DUNG DIEN TICH
1. Dién tich hinh phang
a)Dién tich hinh phing gi¢i han béi do thi ham s6 y = f (x) lién tuc trén doan [a;b], truc hoanh va
b
hai duong thing x =a, X=b duoc xac dinh: S = _f| f (X)| dx

YA

y="1(x) b
y=0 S =[] £ (x)|dx
X=a 2
X=b

b)Dién tich hinh phing gi6i han béi d6 thi ham sb y = f(x), y = g(x) lién tuc trén doan [a;b] va

(H)

b
hai duong thang x=a, X=b duoc xac dinh: S = _f| f(x)- g(X)| dx

(Cpy=f(x)
(C,)y=f,(x)
X=a
Xx=hb

(H)

S = i| f,(x) = f,(x)|dx

Cha y:

b b
- Néu trén doan [a;b], ham s6 f (x) khong ddi déu thi: [|f (x)[dx =|[ f (x)dx

- Ném vitng cach tinh tich phan ctia ham s6 ¢6 chira gié tri tuyét doi
- Dién tich ctia hinh phang gidi han boi cac duong x = g(y), x=h(y) va hai duong thang y=c,

d
y =d duogc xac dinh: S = _f|g(y)— h(y)|dy
DIEN TiCH HINH PHANG PUQC GIGI HAN BOI CAC PO THI

PHUONG PHAP: , 7
Truwong hop 1. Cho hai ham so f(x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gi¢i han

b
boi cac duong y = f(X), y=0(x), x=a, x=b 1a S = [|f(x)- g(x)| dx.

Phwong phap giai toan
+) Giai phuong trinh f (x) = g(x) (2)
b

J(f(0-g(x))dx

a

+) Néu (1) vo nghiém thi S =

+) Néu (1) c6 nghiém thudc. [a;b]. gia sir « thi S = +

[(F00-900)dx+[[( () -g(x))dx

Cha y: C6 thé 1ap bang xét dau ham sé f(x)— g(x) trén doan [a; b] roi dua vao bang xét dau dé
tinh tich phén.
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Trwong hop 2. Cho hai ham sb f(X) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang giéi han
B
boi cac duong y = f(x), y=9(x) 1a S = [|f(X)- g(x)|dx. Trong d6 a, B la nghiém nho nhat va I6n

nhat ciia phuong trinh f (x) = g(x) (a<a<p<b).

Phuwong phap giai toan
Buée 1. Giai phuong trinh f(x) = g(x) tim cac giatri o, .

B
Budce 2. Tinh S = _H f(x)- g(X)| dx nhu truong hop 1.

HUONG DAN GIAI

DANG 1:TINH DIEN TiCH HINH PHANG GIOI HAN BOI PO THI HAM SO y = f (x), TRUC
HOANH VA HAI PUONG THANG x=a,x=b(a<b)
Cau 1: Viét cong thuc tinh di¢n tich hinh phang duoc gisi han béi do thi ham sé y = f (x), truc Ox

va céc duong thang x=a,x=b (a<b).

A._Jb"f(x)‘dx. B. Jb'fz(x)dx. C. Jb'f(x)dx. D. ﬂj f(x)dx.
a a Huéng dan gi;i a
Chon A

CAau 2: Cho hams6 y = f (x) lién tuc trén R va c6 dd thi nhu hinh v& bén. Hinh phing dugc déanh
dau trong hinh v& bén ¢6 dién tich 1a

y=1(x)]”

\b
a/ [9) \/C X

A. i f (x)dx—i f(x)dx. B. i f (x)dx+i f(x)dx.

b c b b
C. —jf(x)dx+j f(x)dx. D. f(x)dx—f f(x)dx.
a b a c
Huéng din giai
Chon A
Taco f(x)>0Vvxe[a;b] va f(x)<0 vxe[b;c] nén dién tich cua hinh phang la
b c
jf(x)dx—f f (x)dx
a b
Cau 3: Cho hamsé f (x) lién tuc trén R, c6 d6 thi nhu hinh vé&. Goi S [a dién tich hinh phang dugc

gioi han bai @6 thi ham sé f (), truc hoanh va truc tung. Khing dinh nao sau day diing?
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y

A_S:jf(x)dx—}f(x)dx. B S:—jf(x)dx—j!f(x)dx
C. S:—jf(x)dx+}f(x)dx. D. S:jf(x)dx+j'f(x)dx.

Huwéng din giai
Chon A

0 d 0
Taco S:Hf(x)‘dx:ﬂf(x)‘dxﬂ"f(x)‘dx.
c c d
Quan sat do thi ham s tathdy f (x)=0 véi xe[c;d] va f(x)<0 véi xe[d;0].
d 0
Do o S = [ f(x)dx—[ f (x)dx.
c d

Cau 4: Dién tich cua hinh phang (H) dugc gisi han bsi d6 thi ham so y = f (x), truc hoanh va hai
duong thing x=a, x=b (a<b)(phan t6 dam trong hinh v&) tinh theo cong thirc:

A. S:if(x)dx. 5._Sz—jf(x)dx+if(x)dx.
C. S:j’f(x)dx. D. S:jf(x)dx+j'f(x)dx.

Huéng din giai
Chon B q
Ap dung cdng thic tinh dién tich hinh phang ta c6:

b c b c b
S :Hf (x)‘dx:j[O— f (x)]dx+j[f (x)—O]dx:—I f (x)dx+I f (x)dx.
Cau 5: Chohamsé y = f(x) lién tuc trén R va c6 do thi (C) la dudng cong nhu hinh bén. Dién tich
hinh phang gii han bai do thi (C), truc hoanh va hai duong thang x=0, x=2 (phan to
den) la
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1y

A | f( x B. —ij(x)dx+ff X)dx

C.. ij x)dx — I D. J.Ozf(x)dx‘.

Huéng dan giai

Chon C
Dua vao hinh v& ta nhan théy' khi x € (0;1) thi f(x)>0,khi xe(12) thi f(x)<O0.
Vay S = I x)dx — I

Céau 6: Goi S la dlen tich mién hlnh phéng dugc té6 dam trong hinh vé bén. Cong thac tinh S la
y

y="f(x)

/—1 O| IN—_—" X

A. S If dx+I E_Szjf(x)dx—j‘f(x)dx
C.S=J%f(x)dx. D.Sz—j‘f(x)dx.

Huwéng dan giai
ChenB i . .
Ta thay mién hinh phang gigi han tir x=-1 dén x =1 & trén truc hoanh — mang dau duong
1

:>81=+If x)dx

Mién hinh phang gigi han tir x =1 dén x=2 & duéi tryuc hoanh — mang dau am

2
= S, =—[ f(x)dx
1

VayS=Jl‘f(x) Tf( x)dx.

Cau 7: Dién tich hinh phang duoc giGi han bai d6 thi ham sé y = x® —3x?, truc hoanh va hai duong
thang x=1, x=4 la
A% g 5! c. 4 0. 2
4 4 4 2
Hwéng dan giai
Taco x*-3x* =0 x=3¢[L4]
Khi d6 dién tich hinh phang la
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5

Cau 8: Dién tich hinh phing duoc gisi han bai dd thi ham sé y = X_j truc hoanh va duong thing
X+

Tich Phin va Ung Dung

4

3

4 3

[ (x*=3x*)dx

3

:6+£:g
4 4

+

S :}‘x3—3x2‘dx:‘}(x3—3x2)dx |
1

1

1

x=2la
A 3+2In2 B.3-In2 C..3-2In2
Huwéng din giai

2
J'(l—ijdx :‘(x—ln|x+2|)‘2 ‘=3—2In2
o] X+2 1
Cau 9: Dién tich hinh phang giéi han béi db thi ham sé y = cos x,, truc tung, truc hoanh va duong
thang x =z bang
A 3. B.2. C. 4.
Huéng din giai

D. 3+In2

X+1

2
Tacod X+1=0< x=-1 nén S:J' >
X+

-1

D. 1.
Chon B
Hoanh d¢ giao diém cua do thi ham s6 y =cos x va tryc hoanh la nghiém phuong trinh
cosx=0< X=%+kﬂ' . Xét trén [0;7] suy ra x:%

2 x
Dién tich hinh phang cantinh 1a S = jcos xdx—jcos xdx =2
0 p s

2
Cau 10: Tinh dién tich S cua hinh phing gisi han bai d6 thi ham sé y = e* + e, truc hoanh, truc
tung va dudng thang x = —2.

4 1 4 _1 2 _1 4 _
A s=2""(avr. B.s=1 (@), C.S= © —“(@vd).  D.S= © 1 avan.
e e
Huwéng din giai
Chon D
0 0 1 e4 _1
A - _ X —X _ X __AX —_p2 _ = _
Taco: S —Le +e¥|dx =(e" —e )_2 e - = (dvdt).

Cau 11: Diéntich S cua hinh phang gisi han bai dd thi ham sé y = X, truc hoanh Ox , cac duong
thang x =1, x=2 la

As=l B.s=3 C.S5=7. D. S=8.
3 3 )
Hwéng dan giai
Chon A
p p g 1 7
Dién tich hinh phang la S =Hx2‘dx =Ix2dx A S
) ) 33 3
Cau 12: Cho parabol (P) c6 do thi nhu hinh V&:
y
1)
\1 2 /3
[0) | X
=1r-—"

Tinh dién tich hinh phang gi¢i han bsi (P) véi truc hoanh.
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A 4. B. 2. C.%. D.

4
~ ) 3 .
Hwéng dan giai
Chon D
Tir dd thi ta ¢6 phuong trinh cua parabol 13 y = X* —4x+3.
Parabol (P) cdt Ox tai hai diém c6 hoanh d lan luot Ia x=1, x=3.

Goi S la dién tich hinh phang gi¢i han bai (P) véi truc hoanh ta co

3
= ‘[X—— 2x? +3x}
3

Cau 13: Dién tich S hinh phang gisi han bai cac duong Y = X° +2X+1, truc hoanh, x=1va x=2 Ia

3

S =T‘x2—4x+3‘dx :‘i(xz —4x+3)dx
1 1

1

As=3L B.s=2 c.s=2L D.s=33
4 4 4 4
Huéng din giai
Chon A
L ‘ 31
Dién tich hinh phang cantimla S = Hx?’ +2X +ﬂdx =7
1

Cau 14: Dién tich hinh phang gigi han boi @b thi ham sé y = —x* +4, duong thang x =3, truc tung va
truc hoanh la
A 2 B. 32 c.® p. 2
3 3 3 =3
Hwéng dan giai
Xét pt -x* +4 =0 trén doan [0;3] c6 nghiem x =2

2 3 23
Suyra S= _H—x2 +4‘dx+ﬂ—x2 +4‘dx oy
0 2
Cau 15: Dién tich hinh phang gigi han boi duong cong y = xIn X, truc hoanh va duong thang x=e la
2 2 2 2
A.el B.e+1 C.el D.e+1
2 2 4 4

Huéng dan giai
Xét pt xInx =0 trén nita khoang (0;e]cé nghiem x =1

e’ +1

Suyra S = [ xInxdx =
1

Cau 16: Dién tich ciia hinh phang giéi han boi do thi ham sé y = Linx, truc hoanh va duong thang

X
x =e bing
A.i. B. 1. C.i. D. 2.
2 4
Huéng dan giai
Chon A

Phuong trinh hoanh d6 giao diém: iIn x=0& x=1.
X

1

>

e
In? x

dx =

1
—Inx
X

Dién tich cua hinh phang giéi han la: j
1

iln xd (In x)

1

Cau 17: Hinh phang gigi han boi cac dudng y = x* =1, x=3 va Ox c6 dién tich 1a
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A.8. B. 4. c. 16 p. 20

= 3 3 3
Hwéng dan giai

Chon A

Phuong trinh hoanh d6 giao diém ciia cac duong y =x2 -1 va Ox la: xX*-1=0< x==1.
Dién tich hinh phang la:
1 X3
+| —-X

S =J?]x2 ~1|dx =j;(—x2 +1)dx+zf(x2 ~1)dx = (—§+ x]

Cau 18: Cho hinh phang H giéi han boi cac duong y =X y=0; x=4.Diéntich S cua hinh
phiang H bang
15 17

_16 B.S=3. C.5=2 D.s==",
3 4 3

Huéng din giai

3
=8.

1

A.S

Chon A
Xét phuong trinh Vx =0 < x=0.

4 2 ‘16
Taco S:I\/;dx:—x\/; =,
0 3 0 3

Cau 19: Cho hinh phang (H ) nhu hinh v&. Tinh dién tich hinh phang (H ).

il 11

e
e

) hy
bl F

.31

3

A.gln3—2. B.1. C.gInB—E. D.gln3+2.
2 2 2 2

Huwéng dan giai
Chon A

3
Dién tich hinh phang (H ) la: S =Ix|n XdX |
1

1
bat H=nx X nén
dv = xdx 1.,
==X
2
3 3 3 3 3
SZJ‘X|nXdX:£x2|nx —ijxdxzilenx _ixz :gln3—2.
1 2 29 2 2

1 1 1

Cau 20: Tinh dién tich mién hinh phing gi6i han bai cac duong y=Xx*—2x, y=0, x=-10, x=10.

A.S:%?O. B. S = 2008. C.S:%f)g. D. 2000.
Huéng dan giai
Chon C
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Phuong trinh hoanh do giao diém cia dd thi y=x"—2x va y=0 la xX*—2x=0 c{

Trén doan [—10;10] taco
x*—2x=0, Vxe[-10;0]va [2;10].
x*—2x<0, Vxe[0;2].

10 0 2 10 2008
Do dd S = j ‘xz —ZX‘dX = j (x2 —ZX)dX—I(x2 —2x)dx+I(x2 —2x)dx =" (dvdt).
-10 -10 0 2
Nhan xét:
Néu hoc sinh sir dung MTCT tinh tich phan ma khong chia khoang thi c6 su sai khac vé két qua giira
may casio va vinacal. Trong truwong hep nay may vinacal cho dap so6 ding.

| CASIO
| . VINRCAL: 570ES PLUS 1T
" |20, lwz-2klde
2000 15 Wath &
I R S T
iﬁ .‘?‘?‘bi | BE3. 3333333

DANG 2: DIEN TiCH HINH PHANG GIOI HAN BOI CAC PUONG
y=1f(x), y=9(x), x=a, x=b

Cau 21: Chohamsb y = f (x), y=g(x) liéntuc trén [a;b]. Goi (H) la hinh gi6i han béi hai do thi
y="f(x), y=g(x) va céc dudng thing x =a, x=b. Dién tich hinh (H) dugc tinh theo
cong thuc:

b b b
A SH:Hf(x)‘dx—Hg(x)‘dx. B. SH:Hf(x) ‘dx
b b
C.S, = x) |dx|. D. SH:j[f(x)—g(x)]dx.
Huwéng dan giai
Chon D

Cau 22: Cho hinh phang (H) gi¢i han béi d6 thi cua hai ham s f,(x) va f,(x) lién tuc trén doan
[a; b] va hai duong thing x=a, x=b (tham khao hinh v& dusi). Cong thic tinh dién tich
cua hinh (H) la

@) X
b b
A._S:Hfl(x)—fz(x)‘dx. B. S:j(fl(x)—fz(x))dx
. b ;
C. S:Hfl(x)+f2(x)‘dx. D. S:jfz(x)dx—jfl(x)dx
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Huéng din giai
Chon A
Theo dinh nghia ung dung tich phan tich dién tich hinh phang.
Cau 23: Cho hamsb f (x) lién tuc trén [12]. Goi (D) Ia hinh phang gisi han bai cac d6 thi ham s6
y=f(x), y=0, x=1 va x=2. Cong thuc tinh di¢n tich S cua (D) la cdng thuc nao

trong céac cong thuc dudi day?
2 2 2 2
A.Szjf(x)dx. B.Szjfz(x)dx. g._Szﬂf(x)‘dx. D.Sznjfz(x)dx.
1 1 1 1
Huwéng din giai
Chon C
Cau 24: Tinh dién tich hinh phang tao thanh bai parabol y = x?, dudng thang y = —x+2 va truc
hoanh trén doan [0;2] (phan gach soc trong hinh v&)

¥

\__ : x
0 1 2\
A. § E_E C. 3 D. Z
5 6 3 3 6
Hwéng dan giai
Chon B

3 2

1 2
Taco S :szdx+j(—x+2)dx:—
0 1

6
Cau 25: Hinh phang (H) duoc gisi han bai do thi hai ham sé y = x* +X—2, y = X+ 2 va hai duong
thang x =-2; x = 3. Dién tich caa (H) bang
N . o o
5 4 -3 5
Huéng din giai
Xét phuong trinh (x> +X-2)—(x+2)=0<x*-4=0< X==+2

‘ ; 87
Suyra S = sz—4‘dx+ﬂx2—4‘dx:?
2 2

[ x?
+| ——+2X
31, 2

1

2
Cau 26: Hinh phang gigi han boi db thi ham sé (C):y = ii([l tiém can xiém caa (C) va hai
X

duong thang x=0,x=a (a<0) c6 dién tich bang 5 Khi d6 a bang
A 1-¢° B.1+e° C.1+2¢° D. 1-2¢°
Huéng dan giai
[Phwong phap tw luian]
Tacd
TCX:y=-Xx+3

Nén S(a) = }(—éjdx = }(éjdx =In|x —]ﬂ: =In(1-a)
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Suyra In(l-a)=5«<a=1-¢
Cau 27: Diéntich S cua hinh phang gioi han boi do thi cac hamsé y = x va y =€*, tryc tung va
duong thang x =1 duoc tinh theo cng thuc:

A S:l'ex _qu. 5,_S:l(ex—x)dx. C. S:j(x—ex)dx. D. Szi

e’ — x‘ dx.
0

Huéng dan giai

Chon B

Vi trong khoang (0;1) phuong trinh e* = x khdng ¢ nghiém va e* > x, ¥x e(0;1) nén

1
3

DANG 3:DIEN TiCH HINH PHANG GIOI HAN BOI CAC PUONG vy = f(x), y = g(X)
Cau 28: Dién tich hinh phang duoc giéi han bai parabol y =2-x* va duong thang y = —x la

X —x‘dx:j(eX —x)dx.
0

A. : B. 9 C.3 Q._g
2 4 2
Huwéng din giai
x=-1
Taco 2—x2:—x<:>[x_2 va 2-x*>-x,Vxe[-12]
2 2 3
Nén S = [ (2+x-x")dx = x4 X _9
% 2 3), 2

Cau 29: Dién tich hinh phang gigi han bai cac d6 thi cia cac hamsé y = x? va y = x la:

AL B.1. c.2 D. 1.
6 6 G 6
Hwéng dan giai
Chon B
Phuong trinh hoanh d6 giao diém la: x* = x <:{ -
X =

1

1 3 2
Ta c6 dién tich hinh phang can tinh la: S = [|x* —x|dx = [%_X?]
0
Cau 30: Dién tich hinh phing duoc gisi han bai hai @b thi hamsé y=+/x va y=%/x 1a
AL B. L c. L D. -
12 13 3 14 15
Hwéng dan giai

1
-

0

x=0
Taco x&=§/§<:>[x 1

Nen S = V-3 - 4 -

(3 Ve 4 \/7) 12
Cau 31: Tinh digntich S cua hinh phang gisi han béi (P):y = x* — 4, tiép tuyén cia (P) tai
M (2;0) vatruc Oy la

1
0

A.S=ﬂ. B.S=2. C.S=§. D.S=Z.
3 3 3
Huéng din giai
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Chon A
y'=2X.

y'(2)=4.
Phuong trinh tiép tuyén caa (P) tai M (2;0)
y=2(x-2)=2x-4.

Dién tich hinh phang cantimla S = J.Oz‘x2 —4—(2x—4)‘dx = Uj(xz —2x)dx‘

5

Cau 32: Tinh dién tich hinh phang gisi han boi cac duong y=x*, y = —%x+% va truc hoanh.

2

_4
-

0

all B. & c. 343 p. 3%

6 3 162 2
Hwéng dan giai

Chon A

Phuong trinh hoanh d¢ giao diém cua cac duong y = X°, y=—1x+% la
1.4 x=1
x2:—§x+§ &3 +x-4=0< 4.

X=——
3

Hoanh 6 giao diém cita dudng thing y = —%x +g V6 truc hoanh I3 x = 4.
Hoanh d¢ giao diém cua parabol y =X’ véi truc hoanh la x=0.
Dién tich hinh phang can tim la
1 4 3 1
S :sz dx+j(—lx+£]dx _X 7{_3)(2 +ﬂxj -
0 73" 3 3, U6 73 6
Cau 33: Cho (H) la hinh phang gi6i han bsi do thi ham s6 y =In(x+1), duong thang y =1 va truc
tung (phan t6 dam trong hinh vg).

4

11

1

¥
y=In(x+1)
N
fl’
Dién tich ciia (H ) bang
A e-2. B. e-1. C. 1 D.In2.
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Huéng dan giai
Chon C
Phuong trinh hoanh do giao diém cua ham s6 y=In(x+1) va duong thing y=1 la

In(x+1)=1< x=e-1.

e-1
Dién tich cua (H)1a S = j In(x+1)dx.
0

u=In(x+1) du:idx oy e
it = x+1 .Khido S =(x+1)In(x+1)[ - [dx=e-(e-1)=1.
dv = dx v=x+1 0
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UNG DUNG THE TICH
1) Thé tich vat thé: 7 7
Goi B la phan vat thé giGi han bai hai mat phang vudng goc vdi truc OX tai cac diém a va b; S(x)
la dién tich thiét dién cuia vat thé bi cit boi mat phang vudng goc vai truc OX tai diém X, (A< x<b).
Gia sit S(x) 1a ham sd lién tuc trén doan [a;b].

/

V)

U \Y =ES(x)dx

/
/

b
Khi do, thé tich cua vat thé B duoc xac dinh: V = [S(x)dx
a

2) Thé tich khoi tron xoay:
Thé tich khdi tron xoay dugc sinh ra khi quay hinh phang giéi han boi cac duong y = f (), truc
hoanh va hai duong thaing X=a, X=b quanh truc Ox:

A
(C):y=f(x) b
/—\ x=b
Chay:

- Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang gi¢i han boi cac dudng x = g(y), truc
hoanh va hai duong thang y=c, y=d quanh truc Oy:

YA
“D
czzzd-- (C): x=g(y)
\ (Oy):x=0 4 2
\ Vo Vy=n![g(y)] dy
=T c- _ y= d
0 >

- Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang gi¢i han boi cac duong y = f(X),
y = g(X) va hai duong thang x=a, X =b quanh truc Ox:
b
V =z | £2(x)- g°(x)|dx
THE TiCH G101 HAN BOI CAC PO THI (TRON XOAY)
PHUONG PHAP:
. Tinh theé tich khoi tron xoay: 7
Trwong hop 1. Thé tich khoi tron xoay do hinh phang gigi han bai cac duong y = f(x), y=0,

b
x=a va x=b (a<b) quay quanh truc Ox Ia V :ﬂjfz(X)dX.
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Truong hop 2. Thé tich khdi tron xoay do hinh phang giéi han bai cac duong y = f(x), y = g(x),

b
x=a va x=b (a<b) quay quanh truc Ox Ia V :ﬂ”fz(x)—gz(x)‘dx.

HUONG DAN GIAI

DANG 1: TINH THE TiCH VAT THE TRON XOAY SINH BOI MIEN (D) GIOI

HAN BOI vy = f (x); y=0 VA x=a,x=b KHI QUAY QUANH TRUC Ox.

Caul: Chohamsé y=f(x) lién tyc trén doan [a;b]. Goi D Ia hinh phang gi6i han béi do thi
ham sé y = f (), truc hoanh va hai duong thing x=a, x=b (a<b). Theé tich khoi tron
xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thuc.

b b b b
AV=x[f?(x)dx.  B.V=2x[f’(x)dx. C.V=x’[f*(x)dx. D.V=x[f(x)dx

Huéng dan giai
Chon A

Theo cdng thic tinh thé tich vat tron xoay khi quay hinh (H ) quanh truc hoanh ta cé
b
V :ﬂj f2(x)dx.

Cau2: Chohamsé y=f(x) lién tuc va c6 do thi nhu hinh bén. Goi D 1a hinh phing gi6i han béi

dd thi ham sb d4 cho va truc Ox . Quay hinh phang D quanh truc Ox ta duoc khi tron
xoay c6 thé tich V duoc xac dinh theo cong thirc

y
3
O] INL/3 X
A--V=7T_l[[f(x) " dx. B.Vzé‘[[f(x)]zdx.
c.v =nzj[f(x)]2dx. D. sz[f(x)]zdx.

Huéng dan giai
Chon A
Do thi ham s y = f (x) cat truc OX tai hai diém c6 hoanh d¢ lan luot 1a x =1, x =3 nén thé tich

3
khdi tron xoay khi quay hinh phing D quanh truc Ox duoc tinh theo cdng thic V =ﬂj[f (x)]2 dx
1

Cau 3:  Cho hinh phing (H) gii han boi dd thi ham sé y =—x*+3X—2, truc hoanh va hai dudng
thang x =1, x=2. Quay (H) xung quanh truc hoanh dugc khéi tron xoay c6 thé tich la

2 2
A.V=Hx2—3x+2‘dx. B.V=Hx2—3x+2‘2dx.
1 1
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Q._szj(x2—3x+2)2dx. D.V=nj‘x2—3x+2‘dx.
1 1

Huwéng din giai
Chon C
Cau4: Chohamsé y=7" c6 dd thi (C). Goi D la hinh phang gi¢i han bai (C), truc hoanh va hai
duong thang x =2, x =3. Thé tich caa khdi tron xoay tao thanh khi quay D quanh truc
hoanh dugc tinh bai cdng thic:

2 3 3 3
AV :ﬂjﬂzde. B.V =7T3J‘7TXdX. c.V =ﬂjﬂzxdx. D.V ZEZIﬂXdX.
3 2 2 2

Huwéng din giai
Ch9n C ’
Thé tich cua khoi tron xoay tao thanh khi quay D quanh truc hoanh duoc tinh bdi cdng thic:

V= ﬂ'j‘(ﬂ'x )2 dx =7rj‘7r2XdX .
2 2

Cau5:  Thé tich khéi tron xoay do hinh phing gi¢i han béi cac duong y =~/x , truc Ox va hai
duong thang x =1; x =4 khi quay quanh truc hoanh dugc tinh boi cong thic nao?

A._Vznjxdx. B.Vzﬂﬁ‘dx. C. Vznzjxdx. D. Vznj&dx.
1 1 1 1

Huwéng din giai
Chon A
Thé tich khoi tron xoay gi¢i han boi do thi ham s6 y = f (), truc Ox, x=a va x=b dugc tinh

b
b&i cong thirc V = ﬂj[ f(x)] dx.

Cau 6:  Cho hinh phang (H) giéi han boi cac duong y = x> —2x, truc hoanh, truc tung, duong thang
x =1. Tinh thé tich V hinh tron xoay sinh ra bai (H) khi quay (H) quanh truc Ox.
8 Az 157 T

AV ="0X B.V ="t C.v="u D.v =1~
15 3 8 8

- Phwong phap: Cong thic tinh thé tich khdi tron xoay do hinh phang gigi han bai do thi ham s6
y = f(x), truc Ox va hai duong thang x =a,x=b(a <b) quay xung quanh truc Ox la

b
V :ﬂj f2(x)dx
- Céch giai: Ap dung cong thic ta co

V= sz 2x) dx = jx“ Ax3 +4x% )dx = X x* 4X3
_no( -2x) _no( —4x° +4x°%) | ooxt A

1
8z

15
0

2 2
Cau 7:  Trong he truc toa do Oxy cho elip (E) c6 phuong trinh ;(—5+y?=1. Hinh phang (H) gisi
han bai ntra elip nam trén truc hoanh va truc hoanh. Quay hinh (H ) xung quanh truc Ox ta

dugc khbi tron xoay, tinh thé tich khdi tron xoay do:
1188 1416

A..V =60r. B. 307 . C.—mr. D.—nr
25 25
Hwéng dan giai
Chon D
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y2 X2 X2
Tacd >—=1-— < y=,[91-— | véi (-5<x<5).
9 25 25

5 2
Goi V 1 thé tich can tim, ta co: V = ;rf (9—%]dx =607 .
5

Cau 8: Cho hinh phang D giéi han bai duong cong Yy =e€*, truc hoanh va cac dudng thang x=0,
x =1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V' bang bao
nhiéu?

2_ r(e®+1 n(e*-1 2
Av=2-1 B.Vzg. g._vzg. p. T
2 2 ) 2 2
Hwéng dan giai
Chon C

) _ ﬂ(92 —1).

2

1 2X
Thé tich khéi tron xoay can tinh 1a V = ;rj(ex)z dx = ﬂ(ez ]
0

0

File Word lién hé: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 16
Facebook: https://www.facebook.com/dongpay




ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Tich Phin va Ung Dung

DANG 2: TINH THE TICH VAT THE TRON XOAY KHI CHO HINH PHANG
GIOT HAN BOT: y=f(x)VA y=g(x) QUAY QUANH TRUC Ox.

Cau 9:  Cho hinh phang trong hinh (phan t6 dam) quay quanh truc hoanh. Thé tich caa khdi tron
xoay tao thanh duoc tinh theo cong thirc nao?

Y4 f.(x)
f,(x)
@) a b X
A.V:![fﬁ(x)-f}(x)}dx. B.V= ﬂj X)- 1,7 (x)]dx.
c.vzﬂi[f;(x)_ff(x)]dx. D.V:ﬂj[fl(x)—fz(x)]zdx.

Huéng dan giai
Chon B
Do f,(x)> f,(x)Vvxe(a;b) nén Chen B

Cau 10: Cho hinh phing (D) duogc gisi han bai cac duong x=0, x=1, y=0 va y =v2x+1.Thé

tich V' cta khoi tron xoay tao thanh khi quay (D) xung quanh truc Ox duoc tinh theo cong

thirc?
1 1 1 1
AV =n[J2x+ldx.  B.V=mn[(2x+1)dx. V =[(2x+1)d D. V = [V2x-+1dx.
0 0 0 0
Huéng din giai
Chon B

TacéV:njl'(\/Zx+1) dx =n[(2x+1)dx.
0

o'—,»a

Cau 11: Cho hinh phang (D) duoc gi¢i han béi cac dudng x=0, x=7z, y=0 va y=-sinx. The

tich V' cta khoi tron xoay tao thanh khi quay (D) xung quanh truc Ox duoc tinh theo cong

thirc
A.V:ﬂj|sinx|dx. 5._V:ﬂjsin2xdx.
0 0
C.V:ﬂj(—sinx)dx. D.V:jsinzxdx.
0 0
Huéng din giai
Chon B

Ta c6 thé tich ciia khdi tron xoay cn tinh Ia V = 7 [ sin” xdx.

Cau 12: Thé tich khdi tron xoay tao thanh khi quay hinh phang giéi han boi cac duong y = xe*,
y=0, x=0, x=1 xung quanh truc Ox la
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1 1 1 1
AV :szezxdx. B.V :ﬂjxexdx. C.V= ﬂj x’e?*dx. D.V :ﬂj' x2e*dx .
0 0 0 0

Huéng din giai
Chon C
The tich khoi tron xoay gioi han bsi y= f (x), y=0, x=a, x=b(a<b) x4c dinh béi:

b
\Y :ﬂj f2(x)dx
1
Vay, V = ﬂj x%e?*dx .

Cau 13: Cho hinh phang (H) gi6i han bai cac duong y=x*y=0; x=2. Tinh thé tich V cua khéi
tron xoay thu duoc khi quay (H) quanh truc OX.

A.V:§. B.V:%. C.st—ﬂ. D.?’Z—ﬂ
3 5 3 5

Huéng dan giai

Ve phéc hoa hinh thay ngay mién can tinh
2
V= ﬂjX4dX—ﬂ x|~ =327
5 [0 5

Cau 14: Thé tich khdi tron xoay khi quay hinh phang (H) gisi han bsi y =x* va y = x+2 quanh

truc Ox la
A. 712—ﬂ (dvtt). B. 72—” (dvtt). C. Sﬁ (dvtt). D. Sﬁ (dvtt).
Huwéng dan glal
Chon B

Xx=-1
XxX=2
7271

Phuong trinh hoanh d6 giao diém X = X+ 2 <:>[
Thétichcantimla Vv = ﬂU x - x+2 d ‘

Cau 15: Thé tich khdi tron xoay tao thanh khi quay hinh phang gigi han boi db thi ham sé y =e* va
cac duong thang y =0, x=0 va x =1 duoc tinh boi cdng thirc nao sau day?

AV = je“dx. B.V = njexzdx. C.V= je*zdx . D.V = ﬂje“dx.
0 0 0 0
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Huéng din giai
Chon D

1 1
Thé tich khdi tron xoay can tim la: V = nj'(ex)2 dx = njezxdx .
0 0
Cau 16: Tim cdng thic tinh thé tich cua khdi tron xoay khi cho hinh phang gidi han bai parabol
(P) :y=x? va duong thang d :y =2x quay xung quanh truc OXx .

A._ﬂi(xz—ZX)z dx . B. ﬂj4X2dX—ﬂjX4dX.
0 0 0

C. ﬂj4X2dX+ﬂjX4dX. D. x (Zx—xz)dx.
0 0

Oy N

Huwéng din giai
Chon A
N N A . 3 2 X= 0
Phuong trinh hoanh d6 giao diem: x°-2x=0< 5
X =

2

2
Vay thé tich khéi tron xoay duoc tinh: V = ﬂj(Xz —-2x)"dx.
0

Cau 17: Thé tich vat thé tron xoay khi quay hinh phang giéi han boi cac duong y =1—x?, y=0

quanh truc Ox c6 két qua dang aTﬂ. Khi d6 a+b c6 két qua Ia:

A. 11 B. 17 C.31 D. 25
Huéng dan giai
Chon C
1
7 [ (=% dx _1br
J 15

Nén a= 16, b= 15, a+b=31
Cau 18: Cho hinh (H) giéi han bai truc hoanh, d6 thi ciia mot Parabol va mot duong thang tiép xdc
v6i Parabol d6 tai diém A(2;4), nhu hinh v& bén. Thé tich vat thé tron xoay tao bai khi
hinh (H) quay quanh truc Ox bang

NfF---———- - - --=
>

o) /1
A o7 B. 327 c. 2% D. 227 .
15 5) 3 3 5
Hwéng dan giai
Chon A
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Parabol c¢ dinh 1a goc toa d6 nhu hinh vé& va di qua A(2;4) nén c6 phuong trinh y =X,
Tiép tuyén ciia Parabol d6 tai A(2;4) c6 phuong trinh 1a y =4(x—2)+4=4x-4.

2 2
Suy ra thé tich vat thé tron xoay can tim 13 V = nJ'(x2 )2 dx — ﬂj(4X ~4)"dx.

52 2

j(xz)zd X— :% i4x 4) dx = 16] X —2x+1)dx 16(§—x +x]
0 0 1

1

f 2 (32 16] 167
T 3 =

Vay V = z[(x?) dx -z [ (4x—4) dx =
ay ﬂ!( ) ﬂ{( ) e
Cau 19: Cho hinh thang cong (H ) giéi han béi cac duong y=€*, y=0, x=-1, x=1. Thé tich

vat thé tron xoay dugc tao ra khi cho hinh (H) quay quanh truc hoanh bang

e’ —e” . B. w_ C. e'n . D. w
2 2 3 2 2
Hwéng dan giai

Chon D

2 a2
Thé tich vat thé cAn tinh 1a V = nj e?*dx :Ejd (e“) = e n(e—e)
2 2 -1 2

Cau 20: Thé tich vat thé tron xoay khi quay hinh phing gigi han boi y=1-x*, y =0 quanh truc Ox

la v =a—;‘ v6i a, b 1a s nguyén. Khi dé a+b bing

A. 11. B.17. C..31. D. 25.
Huéng dan giai

Chon C

Phuong trinh hoanh d6 giao diém 1-x? =0 < x = +1.

TacoV = i 16mn
acov_nj( )dx:E —a=16, b=15.

-1

Vay a+b=31.

Cau 21: Tinh thé tich caa khéi tron xoay khi quay hinh phing giéi han boi cac duong y =x* -4,
y=2x—-4, x=0, x=2 quanh tryc Ox.

a3 B. 327 c. 3. D. 2T,
5) 7 3 15 5)
Hwéng dan giai
Chon A
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y:x274
O T
y=2x—4
. : 2 256 2 32
Tacd V1=n£(><2—4) w=22m Y, :n£(2x—4)2dX:?n.

Vay thé tich can tim V =V, -V, = 32

Cau 22: Cho hinh phang (H ) gisi han bsi d6 thi hamsé y =1 vacac duong thang y =0, x =1,
X
x=4.Thétich V cua khéi tron xoay sinh ra khi cho hinh phang (H) quay quanh truc OX .

A. 2zin2. B3 c3a D. 2In2.

4 4

Huwéng din giai

Chon B
Theé tich V' cua khdi tron xoay sinh ra khi cho hinh phang (H) quay quanh truc Ox la

4 2 4
V:n_[(lj dX:n(—E] :n(—1+1j :3_75.
1\ X A 4 4

Cau 23: Tinhthé tich V cua vat thé tron xoay sinh ra khi cho hinh phang gigi han boi cac duong
1
X

y==, y=0, x=1, x=a, (a>1) quay xung quanh truc OX .

av=1-3] Bv-(1-3)r.  cve(nin ovo(nd]
a a a a

Huwéng din giai
Chon B
Thé tich V cua vat thé tron xoay can tim la

a 2 a
V :ﬂj(il dx =—7T£ Z—E(i—l} =V :(1—£j7t.
L X Xy a a

Cau 24: Cho hinh phing (H ) gi6i han boi cac duong y =X, y = 2x. Thé tich caa khdi tron xoay

duoc tao thanh khi quay (H ) xung quanh truc Ox béng:

A 327 g, %7 2r D, 167
15 =15 15 15
Hwéng dan giai
Chon B

, X
Xét phuong trinh hoanh do giao diém: x*—2x=0 c{
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y =X
: £ Y =2x
Khi quay (H) xung quanh truc Ox ta duoc khoi tron xoay gi¢i han boi 0"
X =
X=2
2 ar Lo N 4 22 2 6477:
Do d6 thé tich cua khéi tron xoay la: V :nj () =(2%)"|dx ==
0
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