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Nguyén ham va tich phan — Nguyén Chién

NGUYEN HAM - TICH PHAN - UNG DUNG TiCH PHAN
I. NGUYEN HAM
1. Nguyén ham
Dinh nghia: Cho ham sé f (x) x4c dinh trén K (K Ia khoang, doan hay nira khoang). Ham s6 F(x)
duoc goi la nguyén ham cua ham so f (x) trén K néu F'(x)= f (x) véi moi xe K.
Ki hiéu: _[ x)dx =F(x)+C.
binh Ii:
1) Néu F(x) la mot nguyén ham ctia f (X) trén K thi véi mdi hang sé C, ham sé
G(x)=F(x)+C ciing la mot nguyén ham cua f (x) trén K.
2) Néu F (x) 12 mot nguyén ham cta ham sO f (x) trén K thi moi nguyén ham cua f (x) trén
K déu cé dang F(x)+C, véi C 1a mot hang sb.

Do d6 F(x)+C,CeR laho tat ca cic nguyén ham cua f (x) trén K.
2. Tinh chat caa nguyén ham
. (J.f(x)dx)_f vaJ‘f Jox = f(x )+C;d(ff(x)dx)=f(x)dx

e NéuF(x) c6 dao ham thi: j d(F(x)=F(x)+C
ka x)dx = kI x)dx véi k 1a hang s6 khac 0.

j[ (x)]dx = I dx+Ig

. Cﬁng thirc doi bién s6: Cho y=f (u) va u—g(x).
Néu If(x)dx:F(x)+C thi jf(g(x))g'(x)dx:jf(u)du =F()+C

3. Swr ton tai cia nguyén ham

Dinh li: Moi ham sé f (x) lién tuc trén K déu c6 nguyén ham trén K.
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BANG NGUYEN HAM CAC HAM SO THUONG GAP

1. Ide:C 2. Idx:x+C
3. Ix“dx:—x“+1+c(a¢—l) ( b)® dx = (aXJFb)DHl 1
a+1 16. J. ax + X = N +C,a #—
4, izdx:—£+C 17. I =—£. ! +C
X X ax+b a ax+b
5. Ildx:ln|x|+c :—Inlax+b|+C
X
6. Iexdx:eX+C 19, J'eax+bdX:_e L
a
X _ 1akx+b
7. Ia dx— +C 20. Ia dx=— +C
Ina Ina

8. J.cosxdx_sm X+C

21. jcos(ax+b)dx=£sin(ax+b)+c

a

9. J'sin Xdx =—cosx+C

22. Isin(ax+b)dx =—£cos(ax+b)+C

a

10. .[tan x.dx=—-In|cosx|+C

11. '[cot x.dx=In|sinx|+C

12.I 1 dx=tanx+C
cos? x

+
(o)
SN—" | =
o
X
I
|
R 5 @I
24
>
+
(o)
+
O

1 dx==tan(ax+b)+C

25 | ———
-[cosz(ax+b) a

13.I - L dx=-cotx+C
sin’® x

! dx=—£cot(ax+b)+C

26, | —————
J-sinz(ax+b) a

14. _[(1+tan2 x)dx =tanx+C

1
27. | (1+tan? b))dx ==t b)+C
I( +tan® (ax+ )) x== an(ax+b)+

15. J.(l+ cot? x)dx =—cotx+C

28, I(1+ cot? (ax+b))dx = —lcot(ax+b)+C

a

BANG NGUYEN HAM MO RONG

J. de : :larctan§+C arcsinﬁdx:xarcsiniﬂiaz—x2 +C
a’+x* a a a a
J' dx :iln atX.c arccoszdx=xarccos§—x¢a2—x2+C
a’ —x 2a |a—Xx a a
I n(x+\x+a?)+C arctanﬁdx:xarctani—%ln(az+x2)+C
a a
x
_f —arcsm +C arccotzdx:xarccot§+iln(a2+xz)+c
Ja —X a a 2
dx 1 ax+b
I =—arccos +C I.—=—|n tan +C
a sin(ax+b) a
1. la+x?+a? dx 1 ax+b
J —_ Tt Te e Inglntan +C
xx/x +a’ a X
fin( ax+b)dx:(x+9)ln(ax+b)—x+c Iea‘xcosbxdx=e (acosbx+bsinbx)
a a’ +b’
«/ 2 _y2 2 . e®™ (asinbx —bcoshx
'[x/az—xz dx=Y2 =X 1 2 aresinX 4 C je“smbxdx: ( — )+C
2 2 a a“+b
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CAC PHUONG PHAP TINH NGUYEN HAM
1. PHUONG PHAP POI BIEN

a. Poi bién dang 1:

Néu [ f(x)=F(x)+C vavei u=g(t) 1aham sé co dao ham thi : [ f(u)du=F(u)+C

PHUONG PHAP CHUNG

e Budc 1: Chon x=¢(t), trong d6 ¢(t) 1a ham sé ma ta chon thich hop .
e Budc 2: Ly vi phan hai vé : dx=g'(t)dt
e Budc 3: Bien doi: f(x)dx=f[p(t)]p'(t)dt=g(t)dt

e Budc 4: Khi d6 tinh : jf(x)dx:jg(t)dt:c;(t)m.

* C4c dau hiéu ddi bién thwong gip :

Dau hiéu Céch chon
bit x =|a[sint ; véi te[—z;z}.hoéc x = [a|cost ;
a’-x° 22
voi te[O;zz'].
bt x:ﬂ.;vdi te{—ﬁ;f}\{o} hoic x=ﬂ
— sint 2 2 cost
X’ —a
, - T
VoI te[O;ﬂ']\{—}.
2
Pit x =|a|tant; véi te(—f;zj.hoéc x =|a|cott
a’+x° 22
VGi te(O;ﬁ).
28X hoic 22X | Pat x=acos2t
a—Xx a+
(x—a)(b—x) Pit x=a+(b—a)sin’t
> 1 > bat x=atant ; voi te(—z;z).
a” +x 2 2

b. Poi bién dang 2:

Néu ham s f (x) lién tuc thi dat x =¢(t). Trong d6 ¢(t) cling véi dao ham cuand (¢'(t) 1a

nhitng ham s lién tuc) thi ta duoc :
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PHUONG PHAP CHUNG.

e Budc 1: Chon t=¢(x). Véi ¢(x) laham sé ma ta chon thich hop.
e Budc 2: Tinh vi phan hai vé : dt =g'(t)dt.
o Buéc3:Bicuthi: f(x)dx=f[gp(t)]e'(t)dt=g(t)dt.

e Bubc4:Khido: | =[f(x)dx=[g(t)dt=G(t)+C

* Cac dau hiéu doi bién thwong gap :

DAau hiéu Céch chon
Ham s mau s co t 1a mau s
Ham sb : f(x;ﬂfqo(x)) t=/o(x)
. a.sinx+b.cosx
Ham f(x): - t=tan§; OS> %0
c.sinx+d.cosx+e 2 2

1 Vi x+a>0va x+b>0.

\/(x+a)(x+b) Pit: t=yJx+a+vJx+b

Vi x+a<0 va x+b<0.

Ham f(x)=

Pit: t=+/x—a+J-x—-b

2. NGUYEN HAM TUNG PHAN
Néu u(x) , v(x) 1a hai ham s6 c6 dao ham lién tuc trén K:

Iu(x).v '(X)dx =u(x).v(x) —Iv(x).u '(x)dx
Hay [udv=uv—[vdu (véi du=u(x)dx, dv=v(x)dx)
PHUONG PHAP CHUNG

e Budc 1: Ta bién doi tich phan ban dau vé dang :
| = j f (X)dx = j f,(x). f,(x)dx

u=f,(x) {du = f ' (x)dx

Buéc 2: bat .
¢ Budbe A {dv=f2(x)_) v= £,

e Budc 3: Khi do: Iu.dv=u.v—jv.du

sin X
Dang I: I :_[P(x) COS X p.0X
eX
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u="P(x)

sin x
bat
dv =<cos X ;.dx

X

e

—COS X
Vay | = P(x)<sinx

X

u'.du=P'(x)dx
—COS X
V=<sinX

X

e

—COS X

j sinx  +.P(X)dx

X

e e
Dang I1: 1 :_[P(x).ln xdx
u=inx du = 2 dx 1
Pat = X Vay | =Inx.Q(x)=IQ(x).—dx
dv = P(x)dx v=[P(x)dx =Q(x) X
sin X
Dang 11 |=J’e*{ }dx
COS X

X

u=e

du =e*dx

bat sin X = —CO0S X
dv = adx V=< .
COS X sin x

Vv | —e* —COS X .[
ay I = -
24 sin x

Bang phuong phép twong tu tinh duoc j{

—COS X
) *dx .
sin x

—COS X

] }exdx sau d6 thay vao | ra két qua.
SIn X
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TICH PHAN
1. CONG THUC TiNH TIiCH PHAN

T f(x)dx=F(x). =F(b)-F(a).

b b
* Nhdn xét: Tich phan cia ham sé f tr a dén b c6 thé ki hiéu boi j f (x)dx hay j f (t)dt . Tich phan d6

chi phu thudc vao f va céc can a, b ma khdng phu thudc vao cach ghi bién sd.
2. TINH CHAT CUA TiCH PHAN
Gia sir cho hai ham sé f(x) va g(x) lién tuc trén K . a,b,c 1a ba s6 bat ky thudc K. Khi d6 ta ¢ :

1. j f(x)dx=0
2. T f (x)dx=—j‘ f(x)dx.
3. T f (x)dx =JC' f (x)dx+jb' f (x)dx

4.

D ey T

[f(x)ig(x)]dx=j' f(x)dxiig(x)dx.

S. _ka (x)dx = k.'T f(x)dx.

6. Néu f(x)>0,vxe[a;b] thi: [ f(x)dx>0vxe[ab]

a

7.Néu vx e[a;b]: f(x)ZQ(x):_Tf(x)dxzig(x)dx.

b
8. Néu xe[ab] Néu M < f(x) <N thi M (b—a)<[f(x)dx<N(b-a).

PHUONG PHAP TINH TiCH PHAN
1. POI BIEN
a. Phwong phap ddi bién sé dang 1.

Dinh Ii . Néu 1) Ham x=u(t) c6 dao ham lién tuc trén [a; B].
2) Ham hop f (u(t)) dugc xéc dinh trén [o; B].
3) u(a)=a, u(p)=>b.

Khi d6: | :j f (x)dx :f f(u(t)u'(@)dt .
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PHUONG PHAP CHUNG

e Buoc 1: Pat x=u(t)

e Buwdéc 2: Tinh vi phan hai vé : x=u(t) = dx =u'(t)dt

Ddi can: ‘ N

‘ e Budéc 3: Chuyén tich phan da cho sang tich phéan theo bién t

b B i
Vay: | = j f()dx = [ f [u(®)]u')dt = j g(t)dt =G(t) p =G(B)-G(a)
a o o a
b. Phwong phdp déi bién dang 2
binh iz Néu ham s6 u=u(x) don diéu va c6 dao ham lién tyc trén doan [a;b] sao cho

f (x)dx =g (u(x))u'(x)dx = g(u)du thi:

u(b)

b
I=If(x)dx= j g(u)du.
a u(a)
PHUONG PHAP CHUNG
e Buwéc 1: Dit u=u(x) = du=u(x)dx
x=b |u=u(b)
=
Xx=a |u=u(a)

e Bu6e 3: Chuyén tich phan di cho sang tich phan theo u
b b u(b)
vay: | :I f(x)dx:jg[u(x)].u '(x)dx = J' g(u)du
a a u(a)

e Budc 2: Boican:

I1. TICH PHAN TUNG PHAN

Dinh Ii . Néu u(x) va v(x) la cac ham s6 cé dao ham lién tuc trén [a;b] thi:

b b b b
Iu(x)v'(x)dx =(u(Vv(x)) I:l—jv(x)u'(x)dx Hay Iudv =uv 2 —jvdu
PHUONG PHAP CHUNG

e Budc 1: Viét f(x)dx dudi dang udv=uvdx bang cach chon mét phan thich hop cua
f(x) 1am u(x) va phan con lai dv =v'(x)dx

e Buwéc 2: Tinh du=u'dx va v:_[dv :Iv'(x)dx

8 b
e Buwéc 3: Tinh jvu '(x)dx va uv .

a
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Cach dit u va dv trong phwong phap tich phén tirng phan.

bat u theo thir ty vu tién: | © b b b
, J' P(x)e*dx I P(x) In xdx j P(x) cos xdx Iex CcOs Xxdx
Loc-da-mii-lwong . 4 !

u P(x) Inx P(x) e*

dv e*dx P(x)dx cosxdx cosxdx

Cha y: Nén chon u la phan caa f(x) ma khi liy dao ham thi don gian, chon dv=vdx la phan cua
f (x)dx 1a vi phan mot ham s da biét hodc c6 nguyén ham dé tim.

TiCH PHAN CAC HAM SO SO CAP CO BAN
1. Tich phan ham hiru ti

i i )
Dang 1: I:_[ dx 17 ad =1In|ax+b| (véi a=0)

ax+b alax+b a

: ( 17 1
Cha y: Néu | j— = [ (ax+b) ™ .adx = (ax+b) 1|2
0 (ax+b)* as a(l—k)
. dx 2 P :

Dang 2: |:_[z— (a#0) (ax’+bx+c=0 véimoi xe[a; B])

° ax”+bx+c

Xét A=b*—4ac.
+Néu A>0: ><1=_b+\/K;x2=_b_\"'/Z
2a 2a

1 B 1 B 1 1 1 i -

ax2+bx+c_a(x—x1)(x—x2)_a(xl—x) X=X X=X, '
1 11 1 Ll

| = - X=—-——|In[X=X|=In|X—=X
a(xl—xz)i(x—x1 x—xzjd a(x, — x)[ | X1| | Ha a(xi—x) ‘x x‘

_ B B
+Néu A=0: 2 : = . 2 (on_b] thi IZJ- ZdX ZEJ. & 2 : 5
ax“+bx+c a(x—x,) 2a Jax“+bx+c a’ (x—Xx,) a(x—x,)

s s
+Néu A<0 thi 1 = o = | o
> ax® +bx+c ¢

2 2
b —A
al| X+— | +| |-
2a 4a
Pt X+ = —Aztant:>dx:1 —f(1+tan2t)dt
2a \4a 2\ a

_[ mx-+n x, (ax0).
J ax? +bx+c
(trong do f (x) =£nx—+n lién tuc trén doan [a;ﬂ])
ax® +bx+c
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+) Bang phuong phap dong nhat hé sb, tatim A va B sao cho:

mx+n A(ax +bx+c) B A(2ax+b) B
ax®+bx+c  ax’+bx+c ax +hx+c +bx+c ax® +bx+c
B B
$)Taco 1= — L dx=| A2axth) g +j B
°ax®+bx+c ) ax’ +bx+c °ax®+bx+c
Tich phanj Md —Aln‘ax2+bx+c ’
ax’> +bx+c a
Tich phan j— thuoc dang 2.
ax® +bx+c

b
Tinh tich phéan | = I%dx véi P(x) va Q(x) la da thirc caa Xx.
> Q(x

e Néu bac cia P(x) l6n hon hodc bang bac caa Q(x) thi ding phép chia da thuc.
e Néu bac cia P(x) nho hon bac cua Q(x) thi xét cac truong hop:
+ Khi Q(x) chi c6 nghiém don ¢, ,,...,«, thi dat

PO)__ A, A A

+..+ .
QX)) x—a Xx-a, X—a,

+ Khi Q(x) ¢6 nghiém don va vo nghiém Q(x) =(x—a)(x* + px+q),A = p’ —4q <0 thi dit

P(x) A N Bx+C
Q(X) Xx—a X' +px+q

+ Khi Q(x) cé nghiém boi
Q(X) = (x—a)(x—B)* V6i a = S thi dit:

PO__A B _C

QX) x-a x=f (x-p)
Q(X) = (x—a)*(x—p)® v6i a = S thi dit:

P(x) A B C D E
2 3 2t + 3+ 2t :
x-a)'(x=B) (xX-a)" (X-a) (x=p) (x-p)° x-=p
2. Tich phan ham vo ti

b
[RO F(x))dx  trong @6 R(x, f (x)) co dang:

+) R[x, ﬂJ.f)aﬁt X=acos?2t, te[o;f}
a+X 2

+) R(x, «/az—xz). bit x =|a/sint hodc x =|a|cost

9 R(x,naXerJ.Datt ax+b

cx+d cx+d
Nguyén Chién: 0973.514.674 9
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1
(ax+ b)\/axz + X+

+) R(x, f(X)) =

Voi (ax2+ﬂx+;/)': k(ax+b).bit t =y/ax®+ Bx+y hoic t =

+) R(X,«ia2+x ) bat x=|a[tant, te[_f f}

2°2

ax+b

+) R(xx*—a" ). Pat =i te[o;ﬁ]\{%}

COS X

+) R(¥%;%x;..;¥x) Goi k =BSCNN (n; ny; .. n;). Pt x = t*

B
1
a. Tichphandang: | = dx (a=0
Z.[x/ax 2+bx+c )
0V A x+2—_u
Tu: f(x)=ax“ +bx+c=a (x+—j -—— a < du=dx
2a) 4a \E—K
2a
Khi @6 ta c0 :
* Néu A<o,a>o:>f(x):a(u2+k2)@,/f(x)=J§.«/u2+k2 (1)
b ) a>0
*Néu: A>0.

+Voi a>0: f(x):a(x—xl)(x—xz)@M:«/&\/’(x—&)(x—xz) (3)
+Véi a<0: f(x):—a(xl—x)(xz—x)@mzﬁ.\/(xi—x)(xz—x) (4)

Cin cir vao phan tich trén , ta co mot sé cach giai sau

= Phuwong phap :

* Truong hop: A<0,a>0= f(x)=a(u2+k2)<:>~/f(x) =Jau? +k2
Khi d6 dat : \Jax® +bx+c =t —/a.x

X—tz—_c'dx—#tdt
bx + ¢ =t? — 2/ax b+2a’ (b+2\/5)
- t=t,x=fot=t 2
X=o—>1l= 01 X= = t’—c
t—vax=t—+a
f \/_b+2\/5
a>0
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1 b\B._ b
—In| x+—||" :x+—>0
N S | 14 1 Ja 2aj)la’ 2a
“alx+_— Aalx+_— 1 In x+£ ﬁ:x+£<0
2a 2a Ja ala 2a

* Truong hop: A>0,a>0

bat Jax”bxﬂ=Ja(x—xl)(x—xz)=ﬁ

* Truong hop : A>0,a<0

- Dt Jax? +bx+c :\/a(xi—x)(xz—x) :li

B
b. Tich phan dang : | :jwdx (a#0)

° Jax? +bx +¢

= Phwong phap :

S _A.d(x/ax2+bx+c) B

= + 1
Jax? +bx+c Jax? +bx+c Jax? +bx+c )

+Buwréc 2: Quy dong mau sb , sau d6 ddng nhat hé s6 hai tir s6 dé suy ra hé hai an s6 A,B
+Buoc 3: Giai hé tim A,B thay vao (1)

+Buécd : Tinh | = ZA(\/axz +bx+c)

+Buwoc 1: Phan tich f(x) =

dx (2)

'B+BT;
a 5 \Jax? +bx+c

s
Trong d6 I x (a=0) da biét cach tinh & trén.

1
—d
Jax? +bx +c

( 1
c. Tich phén dang : | :j

o (mx+ n)x/ax2 +bx +c

dx (a=0)

= Phwong phap :

" Buoc 1: Phan tich : ! _ ! )
(mx-+n)Yax® +bx+c m(jJax:bc
m
y:i( zﬂj_)dy:_idx
n X+t m X+t

+Buoc 2: Dat: 1:x+—:> 2
m 1 ) 1 1
X=——-t=>ax"+bx+c=a| =—t| +b| ==t |+cC

y y y
, . Ay 0 < , . A dy
+Bwoc 3: Thay tat ca vao (1) thi |1 c6 dang: I=J_r'[
2y Ly? + My +N

Tich phan nay chung ta da biét cach tinh .
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A B
d. Tich phan dang : | Z_[R(x; y)dXzJR(X;m ax+§}dx
o Y \} X+

( Trong d6 : R(x;y) la ham s6 hitu ty déi véi hai bién sé x,y va @, 8,7,8 la cac hing sé da biét )
= Phwong phap :

ax+pf

+Buoc l: Pat:t=nm
yX+06

D)

+Buéc 2: Tinh x theo t bang cach nang lity thira bac m hai vé cua (1) ta c6 dang X = ¢(t)

+Buéc 3: Tinh vi phan hai vé : dx=¢'(t)dt va doi can

B B
+Buwdoc 4: Tinh : J.R(x;m/a;(i’ngx=J.R((o(t);t)go'(t)dt
a v a'

3. Tich phan ham lwgng giac

Mot sé cong thike lwong giac

a. Coéng thic cong:

cos(a+b)=cosa.cosb sina.sinb

tanazxtanb

sin(a+b)=sina.cosb+sinb.cosa tan(ath)=———
l¥tana.tanb

b. Cong thic nhan:

. . 1-tan’a
cos2a=cos’a-sin’a=2cos’a—1=1-2sina=>—"——
l+tan“a

. . 2tana ) 2tana
sin2a=2sina.cosa=———— ; tan2a=——-—
1+tan®a 1-tan“a

cos3a =4cos® @ —3cosa : sin3a =3sina —4sin* a

c. Cong thirc ha bac:

i l1-cos2a . , l+cos2a ) 1-cos2a
sinfa=——— ; cos"a=———— ; tan“"a=———
2 2 1+cos2a

. 3 3sina—sin3a 3 cos3a +3cosa
sin“a = 2 ; Cos” a = 1

d. Cong thitc tinh theo t © t = tan%

1-—
5 cosa=— tana=——:
1+t 1+t 1-t

sina=

e.Cong thirc bién ddi tich thanh téng:
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CoSq.CoS S =
sina.sin g =

sina.cos g =

f. Cong thikc bién ddi tong thanh tich:

%[cos(a + f8)+cos(a — )]
%[cos(a — ) —cos(a + f3)]
%[sin(a + B)+sin(a — )]

COSa+COSﬂ=2COSa;ﬁ.COSa;ﬂ
COSa—COSﬂz—ZSina+'B.Sina_ﬂ
2 2
sina+sinﬂ:25ina+ﬂ.cosa_ﬂ
2 2
sina—sinﬂ:2cosa+ﬂ.sina_ﬂ
2 2
tana+tanﬂ:—sm(a+’8)
cosa cos fB
tana—tanﬂ=—sm(a_’8)
Cos cos fB

Hé qua:
cosa +sina = x/_COS(a——j
cosa —Sina = 2cos[a+ j:

Co6ng thire thwong dung:

4 - 3+cosda
cos"a+sin“g=——
4
5+3cos4a
cos®  +sin® T

\/_sm(a+ 4)
—«/_sm(a—zj

M@t s6 dang tich phan lweng giac
b
e Néugip | :I f (sinx).cosxdx . Pat t=sinx.

a

b
e Néu gip dang | :J f (cosx).sin xdx. Dat t =cosx.
b
J4 < dx .
e Neéu gip dang | :Jf(tanx) — . bat t=tanx.
. cos’ X
b
J4 - dx .
e Néu gip dang | =I f (cotx)—— . Pt t=cotx.
) sin® x

.Dang 1: 1, = [(sim)"dx ; 1, [ (cosx)" dx

2. Phwong phap
2.1. Néu n chan thi sir dung cong thirc ha bac

2.2. Néu n =3 thi sir dung cong thuc ha bac hoic bién dbi theo 2.3.

2.3.Néu 3 <nlé (n=2p-+1) thi thyc hién bién doi:

l, = I(sin x)" dx = I(sin x)*" dx = I(sin x)" sin xdx = —I(l—cos2 x)" d (cosx)

_ _I[Cg —~C! cos’ X+...+(=1)" Ck (cos? x) 4.+ (=D)P C? (cos’ x)p}d (cos x)

k
Cchosx—lC1 cos® X +.. +( = C (cosx)
3 2k +1

2k+l

2p+l

l, = J'(cos x)" dx = I(cos X)
Nguyén Chién: 0973.514.674

( )p p 2p+l
—C] (cosx) +C
2 +1

dx = j(cos x) cos xdx = j(l—sin2 x)p d (sin x)
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_ I[Cg ~C!sin’ X+ ...+ (=1)" o (sin2 x)k +.+(-D°C? (sin2 x)p}d (sinx)

k P
= [Cg sin x—%C; sin® x+...+%c'; (sin x)2k+l ot g_pl) C?(sin x)z‘”l}uc
+ +1

I1. Dang 2: J:Isinmxcos”x dx Véi (m, neN*)

1. Phwong phap:
1.1. Trwong hep 1: m, n la c&c sé nguyén
a. Néu m chin, n chin thi s dung cong thirc ha bac, bién ddi tich thanh tng.

b. Néu m chén, n l¢é thi bién doi:
| = J'(sin x)" (cos x)2p+l dx = I(sin x)" (cos x)2p cos xdx = _[(sin x)" (1-sin? x)"d (sinx)

- J'(sin x)" [Cg ~Clsin® x+...+(=1)" C (sin2 x)k +.+(=D°C? (sin2 x)de (sinx) =

)2p+1+m:| C. Néu m Chgn,
C

2k+1+m .
) sin x

o (sinx)™ , (sinx)™” - (SinX -
C, -C, +..4(-1) C—t——+..+(-D"°C!
m+1 m+3 2k +1+m 2p+1+m

n I¢ (n =2p +1) thi bién ddi:

| = I(sin x)*" (cos x)" dx = I(cos x)" (sinx)”" sin xdx = —J.(cos X)" (1-cos’ x)p d (cosx)
=—[(cos x)" [Cg ~CL00s? X+ ..+ (~1) C (cos? X' +...+(~1)* C? (cos? x)p}d (cosx)

n+ n+ +1+n +1+n d. NA’
_ F?(cosx) l—C; (cosx) : (1) cx (cosx)2k ' (D (cosx)2p1 c e
n+1 n+3 2k +1+n 2p+1+n

m, n 1é thi st dung bién ddi 1.2 hodc 1.3 cho s6 mii 1é bé hon.

1.2. Néu m, n la cac sé héu ti thi bién déi va ddt u = sinx

B= Isinm X c0s" Xdx = J'(sin x)" (cos® x)nz_1 cos xdx = jum (1—u2)m2_1 du (*)

« Tich phan (*) tinh dugc < 1 trong 3 6 m2+1 : n;l : m;k nguyén

I11. Dang 3: 1, :j(tan x)" dx; 1, :I(cotx)n dx (neN).

I(1+tan X dx J. —jd(tanx)=tanx+C

cos® X

. I(1+cot2x)dx=—j _dx =—jd(cotx)=—cotx+C

sin® x
Itanxdx Jsmx :—IM:—InICOSXHC
COS X COS X
J.cotxdx ICOSX =Jd(sm) In|sin x|+ C

SIn X SIn X

Nguyén Chién: 0973.514.674 14
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UNG DUNG TiCH PHAN
1. Dién tich hinh phang

a) Dién tich hinh phang gisi han boi do thi ham s6 y = f(x) lién tuc trén doan [a;b] , truc hoanh va

b
hai duong thang x=a, x=b dugc xac dinh: S = .H f (x)|dx

y=f(x) ;
=0 S = [|f(@)) da

xX=a a

x=b

b) Dién tich hinh phang gi¢i han béi db thi ham sé y = f(x), y=g(x) lién tuc trén doan [a;b] va
b
hai duong thang x=a, x=b dugc xac dinh: S = j| f (x)— g (x)|dx

V) (C):y=F£.(x)
(C)iy = f,(x)
XxX=a
x=b

S = [|f.(@) - £(2)|dw

(H)

b
e Trén [a;b] hamsé f(x) khong ddi dau thi: [|f (x)|dx =

a

b

[ £ (0dx

a

e Nam viing cach tinh tich phan caa ham sb chua gia tri tuyét doi

e Dién tich cua hinh phang gigi han bai cac duong x = g(y),
d
x =h(y) va hai duong thing y=c,y=d dugc x4c dinh: S = ﬂg(y) ~h(y)|dy

2. Thé tich vat thé va thé tich khdi tron xoay
a) Thé tich vat thé:
Goi B la phan vit thé gi6i han boi hai mat phiang vudng géc Vi truc Ox tai cac diém a va b
S(x) la dién tich thiét dién cua vat thé bi cat boi mat phang vudng goc vai truc Ox tai diem X,
(a<x<b).Giasa S(x) 1a ham sé lién tuc trén doan [a;b] :

| 2 V:{S(m)dm

Q
QI

——

/ S(x‘)/

b) Thé tich khdi tron xoay:

e
O T 75—
|

Nguyén Chién: 0973.514.674 15
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- Thé tich khéi tron xoay duoc sinh ra khi quay hinh phing gi¢i han béi cac duong y = f(x), truc
hoanh va hai duong thing x=a, x=b quanh trucOx :

C©):y=f(0)

©Ox:y=0 | _ 3 2
w Vx—n![f(x)] dx
x=b

- Thé tich khdi tron xoay duoc sinh ra khi quay hinh phing giéi han bai cac duong x = g(y), truc
hoanh va hai duong thang y=c, y=d quanh truc Oy:

YA

D
==z d-_ C):x=g0)
\ e d

(Oy) x=0 2
\ e v, ==f[o(] oy
l'—:_:_:_c_— - y = d
[3) X

- Thé tich khéi tron xoay duoc sinh ra khi quay hinh phang gigi
han bai cac duong y=f(x), y=g(x) va hai duong thing x=a, x=b quanh truc OX:

V=;zﬂf2(x)—gz(x)\dx.

Nguyén Chién: 0973.514.674 16
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BAI TAP TIM NGUYEN HAM BANG CACH DUNG BANG NGUYEN HAM
VA CAC PHEP BIEN DPOI SO CAP

1. J.(?X—3)dx 16 -[ _
X2 -3x+2
5 x+x 17.[——d
2[5 dx 'J.(x+2)2 X
3 4sin® x
3. | (—=2x)dx 18.
I(x ) J.1+cosx
2_
a. IX—Z“ldx 19. X i
2x-1 X+2
5x* +3x—3 3xdx
e 20
5'-[ x> dx -[x —5x+4

G.J(XZ _22)2 dx

21. | (tanx - cotx)*dx

7. I[———+ xjdx

22| ZHX_ldx

8. [(2vx —3¥/x* —2)ix 23I 2x+1
x+1
9. [ %dx 2. e2x_3dx

r 3
10, [y,
X

g
25. |e*| 4+ dx
I ( cos? x]

11. Isin 2xdx

26. I 234 (I

12. J.sin 2X.Cc0S 3xdx

27J cos® x
1+S|nx

13.Isin(2x+1)dx

28. Icos Xsin xdx

14._|.25in2§dx

29. jtanz xdx

dx
> I(s—zx)s

eBx+l
30. | X

Nguyén Chién: 0973.514.674
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BAI TAP TIM NGUYEN HAM BANG PHUONG PHAP POI BIEN

1. j (3x —2)"dx 1 [ 4
‘[\/5+2x3
n ¥
2. .[\/5 3xdx -~ J-(j/_dx
X
3. J.\/x2 +1.xdx 3.J' - J)r(d2)§)14

dx
N I V5x+3

dx
24.]—(3_2)()5

5. J.(x3 +5)* x%dx

25.J'(2x2 +1)" xdx

6. Ixm.dx

26. jsin””xcos xdx

7. _[ x.e* dx

sin X
27. j dx
cos’ X

8-_[ In® X ix 28.Ic0t gxdx
X
9._[x2\/ x® +1.dx 29.1 tgxdx
cos” X
10.Ix3\/x2 +1.dx 30._[tgxdx
11.J'cos3 xsin? xdx x2dx
31.
J o=
dx dx
2| ————— 2. | ——
J\/§(1+\/§)2 Je2X+5
13.] o 33. [ X*V1-x" dx
e* +1
dx xe* +1
14, | —
jx2+x+1 34'Ix(ex+lnx)

Nguyén Chién: 0973.514.674
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eZdx dx
35 | —
15'.[ /eX—B J‘sinx
16. I\/l—Xz.dX 36. J‘i
COS X
X
17. j d 37, -1 dx
Y/ — tanx
X 1
1s. | d : 38. [——dx
1+X cotx
t9x sinx+cos x)dx
19, [ —dx 39-j( . )
cos? X Jsinx —cos x
20. Ie4°°sxsin xdx 40. J‘sin3 xdx

BAI TAP TIM NGUYEN HAM BANG PHUONG PHAP
NGUYEN HAM TUNG PHAN

1. [ x.sin xdx 21. [/x In xdx
2. [ xcos xdx 22. [ In xcx

3. j(x +1)sin xdx 23.j|n2 xax

4. | xsin 2xdx 24. [ x* In xcx

5. [ xcos 2xdx 25. ['sin/x dx
6. xe dx 2. |n\/>§|x

7. [ xIn xdx 2. I+ g

X

8. Ixz cos xdx

28.len(1+ x*)dx

0. J'(x2 +5)sin xdx

29.I2Xxdx

Nguyén Chién: 0973.514.674
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10. J.xsin2 xdx

30. j In(x? +1)dx

11. jx3 e ¥ dx

3L .[ (2x+ 3) In xdx

12. j x? cos 2xdx

32.[* 'n(j/%?)dx

13. J(xz +2X + 3) cos xdx

33. I(1+ tan X + tan? x)a"dx

14.Iex.cos xdx

34, Icos(ln X Jix

dx

15'jcos),(2 X

35.I2x In(1+ x)dx

16.'|'xtan2 xdx

36. x.Inl_—de
1+X

17.J.(2x+3)exdx

37.J‘x2 In 2xdx

18._[x2exdx

38. jcos x.In(1+ cos x)dx

19.je“ dx

39. jezx cos xdx

20. jex sin xdx

40, ,[ n(cos x)
cos® X

Nguyén Chién: 0973.514.674
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CAC PHUONG PHAP TINH TICH PHAN

1. TINH TICH PHAN BANG CACH SU DUNG CAC NGUYEN HAM CO BAN VA
CAC TINH CHAT CUA TICH PHAN

NA
Vi du 1: Tinh tich phan I= j (x° +2x +1)dx
1

O

iai:

ﬁ 4
| = !(X3+2X+1)d><: [XZ+x2+xjf:(1+2+\/§)—(%+1+1j:§+\/§

1
Vi du 2: Tinh tich phan I= _f e>tdx
-1

3

@)
B

1 3x41 e3x+l
|= Ie - dX:
3
-1

3

1 1.4 o
=—(e"-e
-1 3( )

3

o A sin X — COSX
Vidu 3: Tinhtich phan | = [_—jdx.
Sin X + CoSX

BN e—lN

Giai:

—d (sin x + cosx)
sin X +cosx

Sin X —COSX
——  (dx=
sin X 4+ cosx

:In\ﬁ

-~ —(In |sin x+cosx|)

Il
AN N
INER e W E

A Ny

dx
1+CosX

2
Vidy4: Tinhtich phan 1 = |
0

Nguyén Chién: 0973.514.674 21
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TINH TiCH PHAN BANG CAC PHEP BIEN DPOI SO CAP

1 1
1. =J.(2x2 + X +1)dx 16. | =.[e2“1dx
0
1 2 1
2.1= [(7x* —2x—=)dx 17.1= [ (e* + x)dx
Jrmos !
1 x
3.1= I(ex +X2 +1)dX 18,1 = J% sin3x dx
’  72c0s3x+1
X+ X" —=2Xx—-2 =
= _ 2
41 '1[ X3 o 13.1= [sin® x dx
0
1 T
5.1= [ (x* + xv/x)dx 4
-([( +x%) 20. 1 =.|‘(sin4 x +cos* x)dx
0
2 T
2
6.1= J.l‘x -2x° X+2‘dx 21.1 =I(sm X +c0s°® x)dx
0
i‘é

2
1 3
7.1 j(—z——s j
. 22.1

(tan x —cot x f'dx

s
5% + Xv/X — 2X +1 n
L= 4 3
° ! o 23.|=IS'n X dx
5 COS% X
J8, i
2 il
9.1= dx 2 1
JI 33{/?} 24. 1 =Imdx
7
‘ 2J_+11 7x+\/_ T o1
10.|=J. 25.|:JACOSTXdX
! 0
2 T
11.1= [ (VX =D)(x+x +1)dx 26.1= [ cos 2x(sin"x+cos* x)dx
1 0
. 3x
- 1 4
12.1 -J'sm xdx 27 | = _f|sm 2x|dx
7
: :
13.1 =jcos xdx 28. 1= Isin22x dx
° %
3 3 2
14.1 = [ tan xdx 29.1= [ (tan x - 2cot x dx
i

Nguyén Chién: 0973.514.674 22
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T

4
15. | :jcot xdx
0

T

30 Izfl—cosxdx
b1+ cosx

LUYEN TAP DUNG VI PHAN 1

¢ dx
% (11+5x)

6.1 = | cox>xcos 2xdx

1 —-X
2.1= dx in2l x—Z g
ge‘x +1 (X 3j ”

1
3. 1= I X3 (L+ x*)%dx
0

sin® xdx

o
1]

\‘
I
Ol N [N [ PN [N | O,y Y
w
5

sin 2x(1+sin? x)*dx

(o]
1
o —N 3

3
5.1= [ (x=1)°(2+%)"*dx
0

. -
10.1 = J’de
1 X

LUYEN TAP DUNG VI PHAN 2

11 2sin?
8.|=Il_25'n X
0

2
5 Cos”X

Nguyén Chién: 0973.514.674
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2. PHUONG PHAP DPOI BIEN SO
a. Phuong phap doi bién sé dang 1.

Dinhli.Néu 1)Ham X = U(t) c6 dao ham lién tyc trén doan [a; ﬂ] ,
2) Hamhop T (U(t)) duoc xac dinhtren [r; ],
3) U(ax) =a,u(B)=hb,

b B
thi | :.f f (X)dX:J' f (u(t))u' (t)dt -

PHUONG PHAP CHUNG

e Buwoc 1: Bat x = u(t)
e Buwéc 2: Tinhviphanhai vé:  x=u(t) = dx =u'(t)dt

t=5

t=«

X=b
=
X=a

Ddi can:

e Budéc 3: Chuyén tich phan di cho sang tich phan theo bién t

Vay: | :T f (x)dx =f flu(t)u' (t)dt =Tg(t)dt =G(t)

[24

P _6(p)-6()
o

* Cac dau hiéu doi bién thwong gip :

DAu hiéu Céch chon
Pat x =[a] sint; véi te {—Z;Z}.
a?—x? 2 2
hoac x = [al cost; véi t €[0; 7z].
a
patx= 4L vsi te] -Z. T \{0}.
sint 2 2
x*—a’ |
a
hoac x = |— voi t E[O;ﬂ']\{z}.
cost 2
bat x = [atant; véi t e (—%%)
a’+x°
hoic x = Jalcost; véi t € (0; 7).
A+ X hoac [2=X Dit x = acos2t
a—x a+ X
(x—a)(b—x) Dit x = a + (b — a)sin’t

Nguyén Chién: 0973.514.674 24
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biat x = atant; voi t e _Z;E .
2 2

1
Vidu 1: J.xll—xzdx
0

Giai:

biat x=sintvai: t e —%;%} .= dx=costdt

boi can:
X 0 1
/1
t 0 —
2

Do d6 : f(x)dx= v1— x?dx = +/1—sin? tcostdt=cos’tdt = %(1+ cos2t)dt

5 2 1+ cos2t)dt z -
Vay jf(x)dxzjh—)=l(t+lsin2tj 2 =E(Z_lj:”_l
) b2 272 o 2\2 2) 4

1
Vi du 2: Tinh .| =Ix2x/1—x2dx
0
Giai:
bit x =sint,t e {—%%} .=> dx = costdt

Ddi can:

) 1¢ .
sin’ tcos?tdt =7 sin? 2tdt

1
4

o t—nN
O N | N

|~
O | N

T
(1—cos4t dt :l(t—lsinmjg =
8 4 0

1 3
Vidu3: Tinh | = |

0

dx.

1+x°
Giai:
. 1 X3 B 1 X3
Ta co: £l+x8 dx—J‘le(Xd)2

0

dx.

Nguyén Chién: 0973.514.674 25
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pat X' =tant ygi t e _Z. f = x%dx = 1(1+tan2t)dt.
22 4

boi can:

X
o
o

SN

Khi do: | = [ 8dx:i— =—j1:22: _%IdtzltZ—l..

l+\/=

j- X +1
1x—x+1

Vidu4: Tinh |

Giai:

145 146 1 145 ( 1 j
dx

2 2 2 2
Taco: .lf)(‘tx_—;lﬂdx: '!. —ZdX: 1[

¢ odt
o 1+t?

Khi dé: | =

it t=tanu = dt =(1+tan”u)du.

boi can:

x
o
[

¢ dt i1+tan2 u
0

Vay | = =
Y ;|).1+t2 1+tan®u

2
Vi du 5: Tinh JLS)édx
01+sm X

Giai:

Nguyén Chién: 0973.514.674 26
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Dat sinx = tant voi t e (—%%} = cosxdx = (1+ tan? t)dt.

boi can:

b. Phwong phdp déi bién dang 2

pinh Ii: Néu ham s U=U(X)don di¢u va c6 dao ham lién tuc trén doan [a;b] sao cho
u(b)

f (x)dx = g(u(x) u' (x)dx = g(u)du thi: 1 = jf(x)dx_ [g(uydu.

u(a)
PHUONG PHAP CHUNG

e Buécl: it u=u(x)=du=u(x)dx

x=b |u=u(b)

x=a [u=u(a)

e Budéc 3: Chuyén tich phan da cho sang tich phéan theo bién u

e Budéc 2: Ddican:

u(b)

Vay: j f (x)dx = J'gu(x)u(x)dx—uz[l)g(u)du

Vidul: Tinh | =

Giai:
bat t=e* = dt =e"dx
Ddi can:
X | 0 In2

Khi do:

In2 2

T eset J- e+3 J- _t+3 i__ B
. € +3e +2 2 43 +2 +3t+2 \t+1 t+2

1

In2

=2 —dt—.[—dt_ZIn|t+]4 2(In3-In2)- (In4—|n3)=2|ng—lng=In%—lnﬂz nz

—In|t+2|
T+l

3 16

1 J—
Vidu2: Tinh |=jM

0

Nguyén Chién: 0973.514.674 27
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Giai:
5 —dx
pDatt=In(2—x)=>dt=—-.
2—X
boi can:
X | 1 1
t | In2 0

1 J—
Khi db: |:jM
5 2—X

0 In2 2 |n2 2
dx:—jtdt:jtdt:t— _In"2
) 210 2

In2

BAI TAP TICH PHAN POI BIEN DANG 1

Luyéntap 1
1 1
N7 1-+/x 7
1 72 6.1= dx KQ: 2-2
1.1= dx KQ _— 1+ /X 2
‘([ 1-2% 4 o V1
2
1 1/42 2
2.1= I—dx KQ:Z 7.1 = J' X i KQ: oz 1
1 N3+2X—X° 6 o 41— x2 24 2
a 4 0
3. 1= [x*\a? —x?dx KQ: 7 8.1=| L+ X 4y KQ:1-Z
0 16 SV1l-x 4
¢ 1-x? /4 j’ 1 7
4. 1 = dx. KQ:1-= 9.1 = | ——dx KQ: —
% x? 4 275 XVX2 =9 36
2
1 1
5.1 ZI%C‘X. KQ”—\/§ 10. | = Z;dx KQ 72'_\/5
o X +Xx"+1 18 o X“+X+1 9
Luyén tap 2
V2 V3
1.|=IL KQ: = 11, I:I\/4—x2dx KQ: 7++/3
2 Xx? -1 12 )
2
2 1 [ 22 -2 12 I—TL KQ:Z
N2 Q- - 1 x*—4x+5 2
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2 2r 3 1
3. 1 = [ x*v4—x%dx KQ: — +— 2 B
! 3 4 13. I\/1—2x\/1—x2dx KQ: 1+@
! 12" 8
[ 2 87 % Ja+x
4. 1= | ———=dx KQ: — 14.1 = | ,|[——dx K :a(l—zj
!xx/4x2—1 3 I a—x 0 4
Na
0
z 1 72'\/§
4 in? 15. | = | ————dx. KQ: ——
5 I:j y S|2n Xdx KQ:2+Ing—3—ﬁ J-lx2+2x+4 Q 18
7. Cos x(tan x—2tanx+5) 3 8
T
V3 2 1 3
9+3x 33 2+42 X 2
6. 1= [0 gk KQ: 23-v6+0n 16. | = [ ———dx KQ: £-3V3
! X’ ° 2 32-472) o V4— X 3
1 0
7.1 = [ x/x? +1dx KQ: 2J2-1 7= [—% g koo
5 3 AKX +2X+ 2
1 2
2
8. | = j«/l—xzdx KQ: %*% 18. 1 :J'x\/2x—x2dx KQ:§
0
.
> [,
0. 1= X (a>0) kQ:Z 19/1 = | X gx kQ2-+2
s vai—x? 6 Ecosx\/1+cos X
4
10. | j X (@a>0) ko= 20. | N(l x? ) dx KQ:Z
= a> = = - . adl
s’ + X 0 4a 0 16

BAI TAP TICH PHAN POI BIEN DANG 2

Luyén tap 1

1
2 < J1+Inx 2
1. .1 = | x3y1—x?dx KQ:— 6. | = dx. KQ: =|2v2 -1
! “15 { X Q 3(\/_ )
3402 1 3
2X°+x-1 54 X 2\/5 1
o 1= [ 2 KO: 2% 7. l=[———dx. KQ &£_—
! Jx+1 Q 5 '([x+x/x2+1 15 15
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e 1 1
3. 1= dx. KQ:-In2 8. I = | x®A1+3x%.dx. KQ: ="
-[x(1+lnx) Q -([ Q 270
S dx 2 ( ) ¢ odx 1.7
4, | = . KQ: —<£Inlv2-1) 9. I = | ——. KQ: =In—
J1’xx/1+x3 3 %xx/x2+9 6 4
i 31 ‘ 3
5.1 =[x*(x*+1) dx KQ: = dx KQ: —=3+6In=
'c[ ( ) 0 20 ;[3 IX+1+x+3 Q 2
Luyén tap 2
§ a3 z
1. 1 :J'MX KQ: _E_lmg 1= 2 cos2x 1
COS 2X 6 2 3 ' _I : KQ: 32
0 0(cosx—smx+3)
In3 2%
e~“dx 1
2. 1= KQ: 2In3 -1 12. 1= [0 =x3)0dx KO: =
mjze ~1+e* -2 g ( ) < 168
3 d 8v3-4 13.1 = j xd KQ'—§(§+43\/§
3. 7= X KQ: / AN
,J;sm X.COS" X 3 4+’
4
z r
_ 3 d . 6 i
41=1- al KQ: 4(%—1) 14.1 = [ dx KQ: = Z\F|
7 \lsin® x.cos” x o Cos2x 5 2\/_‘
4
V1 5 2
z x“+1 100, 9
4 15. [ = [——dx KQ: —| =
tan xd.
5.I:I an Yax KQZ«/§—\/§ '!.xx/3x+l 5
0 cosxlejtcos2 X
4 fx—1
6.1= | LS kQ: Lin3 16. I_Iudx KQ:In?3—1In22
1 x(x4+1) 4 2 x—1+
4 31n2
7 I:j 2“1 KQ: 2+2In2 17. 1= | LZ KQ: %I g—%
ol 2x+1 0 (%/e_x+2)
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4
X+1 1 2 12
8. 1= | ———,dx KQ: 2In2 -~ 18. 1 =2{¥1-cos’ x.sin x.cos’ xdx KQ: ==
'([(1+\/1+2x)2 4 { 91
T 1 2
= x“dx T
TR 19. 1= KQ: =
9_[:J‘de KQ;l 0 f4—x6 18
0 «f3—sm2x 12
In3 3x _ 2x _ 4
10. I = _fze—edx kg 8-S 20. Izjx—”zdx KQ: 2In2—+
0 e"\de* —3+1 3 0(1+172x) 4

3. TICH PHAN TUNG PHAN

Dinh 1. Néu u(x) va v(x) Ia c4c ham s6 co dao ham lien tuc tren [&; b ] thi:

Iu(x)v' (X)dx = (u(x)v(x))z — Iv(x)u'(x)dx

a

b
Hay Iudv =uv

l;—ivdu

PHUONG PHAP CHUNG

e  Budc 1: Viét f(x)dx dusi dang UAV = UV dX bing céch chon mot phin thich hop ciia f(x) 1am u(x)
va phan con lai dv = v'(x)dx

e Buéc 2: Tinh du=u'dx va v:_[dv :Iv'(x)dx

e b
e Buéc 3: Tinh jvu'(x)dx va uva
a

*Cach diit u va dv_trong phwong phap tich phin tirng phan.

biatutheothGtyuu | b b b b
tién: jP(x)ede J.p(x)m xdx J.P(x)cosxdx J‘ex COs xdx
Léc-da-mii-lwong a a a a
u P(x) Inx P(x) p*
dv e*dx P(x)dx cosxdx cosxdx

Ch §: Nén chon u 1 phin caa f(x) ma khi 1y dao ham thi don gian, chon dV = V dX 14 phn cua f(x)dx I vi
phan mot ham so6 da biét hoic ¢d nguyén ham dé tim.

C6 ba dang tich phan thwong dwgc ap dung tich phan tirng phan:
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) u=f(x) du = f'(x)dx
sin ax
g sinax sinax
e Dangl J. f(x)| cosax [dx Dit =
’ . dv=| cosax |dx v:j cosax |dx
e
eax eax
dx
A u = In(ax du=—
o Dang2:  [f(YIn(@)jdx P { @) X
’ dv = f (x)dx B
v= [ f(x)dx
- jeax sin bx
—aes cos bx
Dit u=e* du = ae™dx Hoic (U = e du = ae®™dx
- = 1 . - =
. 1
dv = cosbxdx V:BSIan {dv:smbxdx V:_ECOSbX

Trong truong hop nay, ta phai tinh tich phan ting phan hai lan sau d6 tré thanh tich phan ban dau. Tir do
suy ra két qua tich phéan can tinh.

1
Vidul: Tinh | = j xe2*dx.
0

Giai
. U=x du = dx
a
dv = e™dx v—ie2X
2
Ap dung cdng thirc tinh tich phan ting phan:
1 1 1 2
| = [ xe?dx = 1 xe> —ljezxdx _le —lj‘ezxd (2x) 1ol 1y —l(e2 —1) _e+l
2 29 2" 4 0 2 4

N[N Oy

2: Tinh _[ezxcos3xdx

bat: u=e*, du= 2e*dx

sin 3x
dv = cos3xdx, v =

w

Iz[z"smgx} j sm3xdx——e——gll
34 3 3

Tinh I,  DPat u=e*=u'=2e*

. . -C0s3x
vV =sIn3x, V=
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2 . CcOS3X % 2E
Ilz_[ 2sin3x dx =| —e* —— +—Ie2xcos3xdx

0 3 0 30
Do doé:
.__i_z(i .j__i_z_i.

3 33 3 9 9
3e” +2
= | =—
13

2
Vi du 3: Tinh | :IeS‘”Xsin 2xdx.
0
Giai:

T
2

| =|e"*sin2xdx = 2j €% sin xcosxdx
0

O v | N

bit t = sinx = dt = cosxdx

Ddi can:

X 0

T

2
¢l oo 1
Khi do:

1
| =2] e sin xcosxdx = the‘dt

0

O N [N

pit:

u=t du =dt
=
dv=e'dt |v=¢

Ap dung cdng thirc tinh tich phan ting phan:

t

L 1
Ite‘dt =te' el =1
0 0

1 1
—J.etdt:tet —
04 0

Vay | =2
f
Vidu4:Tinh | :Icosxln(sin x) dx.
§

: COSX

. |u=In(sinx) |du=—"dx

pjt: ) b sinx .
V = cosdx V= sin x

Ap dung cdng thirc tinh tich phan ting phan:
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z T oz i r
| = i cosxIn(sin x)dx =sin xIn(sin X)E i cosxdx = in xIn(sin x) 2 _sinx|? E(In2—1)
: Z x z z 2
6 6 ° 6 6
Vi du 5: Tinh | =I(4x +1)In xdx.
1
bat:
{u—lnx du:d_x
= X
dv =(4x+1)dx WP
Ap dung cong thuc tinh tich phan ting phan:
e e e
I (4x+1)In xdx = (Zx +x Inx I (2x+1)dx =2e* +e - (x2+x)1:e2+2
1 1
BAI TAP TiCH PHAN TUNG PHAN
1 1
1
11={(3x+1)e¥dx. KQZ2_35 16. | = | xIn(x*+1)dx. KQ:In2-=
;[( Je < 3 ¢é° ;[ ( ) Q 2
2. 1 = J.e cos xdx. KQ: 5 17, I:Ixsmx 5 KQ:7Z' 2
0 0 COS” X 4
In3 r
2
3. 1= [(X-2x)e'd  kQIn?3-8In3+12-e | 18. 1 = fe sin2xcx KQ: 2
1 0
2 1In(x +1 5
4| j ( i KQ:2m2-2In5 |19, 7= jh‘("”) & KQ: 3In2—gln3
X
% 2 % d
5. 1= Ixsm xdx KQ:” 4 20 I:J. _XZX 7[(9 4\/_)
0 16 = sin® X 36 2 2
7
3 xsinx 4r . 2-43 2 x* 278
6. | = | ——dx. KQ: 22 _| 21. 1= [(2x-1)cos“xdx KQ:——
I,,cos X 0 3 n2+J§ l( ) Q 8
3
3 5[ 1 2 XZeX
7. 1= J' x2 —ldx Q——In(\/i+l)+—ln2 22-|=_[ 2dx KQ:1
5 4 2 (x+2)
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T 3
2 ; z 23. 1 = | In{x® = x bx KQ: 2-3In3
8. | =Il+smx.exdx. KQ: e? '2[ ( )j
5 1+ Cosx
% 24. | = j' * cos 3xdx KQ: —3e =2
9. /= I sin x In(1 + sin x)dx KQ——l : 13
0
8 2 1. xt 3 3
10, 1 = [ X KQ:20In2-6In3-4 |25 1= [(x+1-T)e dx KQ:7e’
\/x+ 1 X
2
1 2 2
5-3e r 2
— [(x=2)e? : 4 7°+8
11. 1 .([(x 2)e**dx KQ: 2 26. jfcosfdx KQ: 5
0
H 271 = [In® xdx KQ: 6-2¢
12.1= I(x —4x+3)sm2xdx KQ: 7 -8r+4 !
0
1 1 0 -9
3 = X K .= 28 | = 2x 3 1 K L
| !xe dx Q > Jx(e +3¥x+ )jx Q 28
: Bet -1 : 2
14. |=!x3ln2xdx KQ: 32 29. = jxtan xdx KQ: _+”( \/5) In+2
"
1
4 e
15. | :Ilen(xz+1)dx KQ: —|n2+——Z 30. ]_I[ In x +1n x]dx KQM“_I)
0 9 6 1 x«j1+lnx
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BAI TAP TICH PHAN HAM HUU Ti

1
dx 4 x +x+1 1
1.1= KQ: In— 16.1 = KQ: =——
X —5X+6 ° 3 I 0 2 3
1 3 2 2001
2.1 :I 24X 9 dx KQ: 3Ing—ln2 17.1 = x—_ by KQ:;um
0 X" —5x+6 3 L (14 x2)1002 2002.2
B _
3 2 1 . 18. 1 jH—xdx KQ:iln\/E !
= | KQ:—In(Z—\/§)+— 11+ 2427 V2+1
0 xt - 4
2 2 4x+11 1
— [ ——dr  KQ: 1+251n2-161n3 19, j 5 g KQin2
X2 —Tx+12 o X' +5X+
1 2 —
5.1 =[x KQ: 2412 20 1= [ 2% ¢ KQ:-3+3m2
o (X+1) 8 ) X2 —4x+4 2
1
dx 2 8 ( ) 100
6 IZJ— KQ.——+|n_ 21 [ = Tx—1 2 -1
3)x+2) 3 9 I KQ:
¢ (x+3)(x+2) 0(2x+1)101 900
x4+ x—1 15 22x-1 ju
7.1=] Sdx KQ: = +In2 22.1 =[5 —dx KQ:=4In2-7
> (x=1) 8 o X +4
V3 V3 2
dx 1,3 X“+1
8. | = KQ: =In—= 23. | =
£x3+x O3 J.x +x2+1
1 7 V3
x 1 B dx 117-413 =«
9 I:J‘ 3 de KQ? 24. 1 = J.m KQT-'_E
0 (1+x2) 1
2 3
dx r (2x+1)dx 3
10. | = KQ: — B Sl -
!XZ_ZHZ Q3 25. 1 = jl'X2_2X+5 KQ: 8+|n2
1.3 3
X*+Xx+1 11 dx 1,3
11. | = dx KQ: —-1In2 26.1l = | ————— KQ: =In—=
-[ X+1 6 J.x(x“+1) © 4 2

1
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12. 1= jx 1 KQ: £
0X +1 12

1
X
27. 1= | 1+ KQ: %—4ln2

01+\/_

1 4
13. I=_[2—X2dx kQ Z 42 28, I—J4dXKQ L6in2-m33)-3L
1+x 4 3 165
2 1
dx -3 1 3 dx 1oz
14. 1= KQ: —In2+=In5+=> | 29.1=|——= KQ: =+
T Q 2 2 8 !;(x2+1)2 4 8
0
B C17-413 7 30 |:J2X3_6X2+9X+9dx KQ- 33In2-19In3-1
15 7= —2 ko N2, 7 - 3522 .
L 201+ x?) 135 12 )
BAI TAP TiCH PHAN LUQNG GIAC 1
I 2 .
1. I:j 14 dx KQ: 4 6 I_j(\‘g/cosx—%/sinx)dx KQ:0
5 COS™X 3 0
2 1 2 3sin X +4C0S X 73
il 17. | = dx KQ:——+In3
2. 1 = J;sm Xcos>xdXx. KQ P £3S|n 4005 Q 5
z E T
2 i 6 tan(x ——) —
3, IszZ):dx. KQ: In2 18.7=[— 44 KQ:ﬂ
o 1+cosx o Cos2x 2
2 2 2 T
4.1 :jsin3 xdx KQ: 2 19.1 =Icoszxcos2 2xdx KQ:
0 0
2 i3 ~ 3 g
5 | = J-smxcos2 de KQ: 1+In2 20. | :I 4sin xdx : KQ: 2
. 1+cos’x 2 o (Sinx+cosx)
2 sin Xcosx 1 3 1
6.I:I — — dx. KQ: ——— 21|=I dx KQ: 2In§
2 Va?cos?x +b? sin? x [a] +[b] ’ésinxsin(x“éj 2
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2 157 5 sin2x 5
7.1 = |(sin®® x+cos®x —sin* xcos* x Jdx KQ: === |22 | = dx KQ: In=
'([( ) 64 !25in2x+coszx ey
2 17 : 3y e 2
8. | = |sinxcosx(1+cosx) dx. KQ: — 23.1=]sin” xcos” xdx KQ: —
Jsinxcosx(L+cosx)"dx. - KQ: 15 J %
z . 118
4 1 24. 1 = | sin™* xdx KQ: ===
9.1= j—zdx. KQ: N3 I Q 21
+ (Sin X +cosx) 2
)
10. | f sin 4x KQ: In2 25. | j&d ka: =
= : = X —
+ sin x+cos*x’ + /7 +0s2x 62
V4 13 =3
> sin” X 5 5
4 dx 26.1 = | ——=dx KQ:1 ==+3In=
1.1= I.—KQ ﬁ[arctanf—arctanf] 5 2+COSX 2 6
o 2+SINX+C0osX 2
% TC/2
12. |—I X gx KQ: 2% 423 27. [ e“*sin2xdx KQ:2(e-2)
,,sm“x 8 12 0
4
2 sin2x 2 7 _
13. 1= J’—zdx KQ: In— 28. J' *cos3xdx KQ: 3’2
o 4—C0s"X 0 13
4 dx -7 In2 F
14. 1 = . KQ: = +—= 29.|:jXS'”de KQ;; 2 1, 2++/2
5 1+tan x 8 4 ) cos® X 2 2-2
G
15, I:ILA');dx KQ: 2-6In2
o 1+cos“x 3
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BAI TAP TiCH PHAN LUQNG GIAC 2

z T
A z
11 :J'tan3 xdx KQ: l(1—In 2) 17— t tan x dx KQ: 3-47
0 2 J 2 J3
7z cosxV1+cos” x
6
z T
3
dx 83 -4 3
2. |l = |———— KQ: 12. 2 2y — KQ: In2
;[sinzx.cos“x Q= i\/tg X +cotg x —2dx KQ
4 6
i
2 a2 1
3.1=[>"Zdx. KQ: Zln(Z—x/§) 13. 1 = j SIndx gy kQi2-+2
£s1n3x \jsm x+cost x
6
7 z
4 t sin4x
4. I:‘[&zxzdx KQ;Q—E 14_[COS Sin dx KQ:%InZ
0(1+sin2x) 4 16 0 X+sin® x
z z
4 . 2 .
5. 1= SIAx e ko 2 15.1 = | SR v KQ: ]
0 \isin6 x+cos® x 0 (sinx+\Ecosx) 6
V4 T
6. 1 — t sinxxil—coszxd K 31 16 Izj‘ COS X & K _|n36—\/§
= | 2 Q__ " 2sin®x-5sinx+6 © 5l4-+3
. cos” x 7
-z :
k4 1
z . ~1)
: 1 17. 1 = |e*sin*(m)dx  KQ: | :”(e—
7. 1= jsmesm ey KQ: §(£+—j -([ (mjixKQ 2(47 +1)
) 2 2\4 2
6
z 7Z'
2(1+sinx z sin x.cos® x 1
8. 1= edx  KQ:e? 18. | = | —————dx KQ: _(1_|n 2)
0(1+Cosx Q j1+cos X 2
Zsin(ﬂ— j 2 ; 1 37
. T 0
Zsin| =+ X
Mo
: :
10 [ ———dx  KQ:1 20, 1= [ 2% dxKQ: in2
O1+sm2x < 6—5sin X +sin’ x 9
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NGUYEN HAM TiCH PHAN TRONG DE THI

1 2
. [(2x—=1)e* ™ dx
0

2. Voi x e [O;ﬂ xac dinh a,b sao cho

|

4 I _smx—cosx+1 dx
0 SINX +2C0SX +3
}(3x+1)dx

0 (x +3)3

1
6deX

Co(x+1)°
142 _q

X
7.
£x4+1

dx

T

. jezx sin? xdx
0
/2

oo

cos xdx

9. —
g \J2 4 cos2x

1
10. f 5 dx ,(O<o<m)

1X%—=2xcosa+1

2a
11. [Vx?—a%dx (a>0)
a

n/2
12.
0

a

13. jx/xz +a2dx
o

14, jx/1+sinxdx
0

4sin® xdx
1+cosx

15.

w/

8 sin? x cos” x

dx

2
16.
{\/x +1++/x-1
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X
17. Gpt [(u —x?)du =sinx

b
18. lenzxdx

/2
19. j X c0s2 xdx
0
V2 dx

20.

J‘ N
z/ﬁxsz—l
21. ﬁcosx\«/sinxdx

(Bo be)
(BK_94)
(BK_94)
(BK_95)

(BK_98)

22.Cho ham sé: f(x) = sinx.sin2x.cos5x

a. Tim ho nguyén ham cua g(x).

b. Tinh tich phan: 1= |

2
In2 2x
23. [ —S—dx

0 \le +1
1

I\/_+1
m/4 cosX + 2sin X

25. j dx
4cosX +3sin X

2. j 3dx
01+x

27.[ —dx
oX +4x%+3

/3
28. | \/tg X + cotg°x — 2dx
/6

713/3 dX

29. [ ——
16 SINXsin(x + 7/6)

n/4 .6 6
SIn” X +COS™ X
30. | - dx
s 6 +1

2In(x +1)

2
1 X

31. dx
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/2 .
32. | Vsinxdx (BH GT VT 95)
N Jsinx ++/cosx
J3
33. [ x°A/L+x%dx (PH GT VT _96A)
1/9 - X 1
34. |5+ + dx (PH GT VT 97)
g sin(2x+1)  Y4x-1 -
7/3
35 I X+1
x/3x+
2 X
[ (10# —sinx)dx (PH GT VT 98)
-2
NG
36. I= dx + xarct xdx PH GT VT 99
Tc/2
37. | mol (BH GT VT _00)
24— sin® x
n/2 _
38. | > COSX ‘_‘Slnfdx (PH GT VT 01)
o (Cosx +sinx)
/2 4
39. [ — > X __dx (PH GTVT HCM_99)
5 cos* x+sin®x
/3 5in2 x
40. | dx (PH GTVT HCM_00)
n/4COS X
2
x% +1
41. | ——= (HV BCVT 97)
—2 X\/X +1
/2
42. | %dx (HV BCVT 98)
o 1+cos”x
1 X4
43. dx (HV BCVT_99)
“1+ 2%
T
44. [ xsinxcos® xdx (HV NH_98)
0
/2
45.1= | cos® x cos® 2xdx
0
/2
J= [ sin®xcos® 2xdx (HV NH HCM_98)
0
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/3
46. |
0 cos? x

1
£x+\/x2+1

x+smx
dx

(HV NH HCM_00)

1 4 .
[xIn(x? +1)dx [Ny
ol+cosx
21
47. | J1+sinxdx (PH NThuong_94)
1 1.2
48.[— dx > X3 +2, (PH NThuong_99)
o (X°+3x+2) o X+3
/4
49. | cos2x -dx (DH NThuong_00A)
0 (sinx + COSX + 2)
1.3
50. [ X 2X 10X+ (PH NThuong_00)
0 X +2X+9
} x? + 3 +1O
0 X X%+ 2X + 9
mid sin4x
51. | — —dx (PH NThuong_01A)
b SIN” X+COs X
2 5
52.1= | [In(x 1+ xz)] dx (PH KT 95)
-2
1
53. [x°(1-x*)%dx (PH KT 97)
/4 1 5
54.1= [ % J=[——dx (PH TM_95)
o COs™ X X +1
1
55. | x+/1— xdx (PH TM_96)
f 9 |nI 29X
56. 1 = dx J= dx (PH TM._ 97)
0 Y1+ x2 o 1+e*
In2 dX
57. (PH TM_98A)
0 € +5 -
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58. jzd—x
1 X (1+x)

TE/2
59 I 4sin X dx

o (sinx+cos x)

60. j sin** xax

nl4
61. j sin? x cos® xdx
0

e

62. |
1/2(1+X)
/4

63. j cos® X cos 4xdx
0
713

64. j

In x
dx

X+1

\/3x+
65. I(l —x —x%)?dx

/2 )
66. j eX cos” xdx
0

T
67. j«/l+ cos 2xdx
0

3
68I_j—
1x +x2+1

x2 +1

n/4

69. j ln(l + tgx)dx
0

/2 .
20. 3sin X +4cos X dx

0 3sin” X + 4¢0s” X

3
j\/x3 —2%% + xdx

/4 .
SINX.COSX
71 | - dx
o SIn2X +cos2x

/2 .
72. SINXCosX dx :a,b=0

0 \/a2 cosZ X + b?sin? x
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(DH NN _98)
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(PH NN _01D)

(PH Thuy Loi_96)

(PH Thuy Loi_97)

(DH Thuy Loi_99)

(PH Thuy Loi_01A)

(PH Thuy Loi_00)

(PH Vin Héa 01D)

(HV TCKT_95)
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J212 2
73. | dx
0 V1-x2
/4
74 | X(2c0s2 x —1)dx
0
/3 . 1 4
75 I cosx+_smxdx X2+ldx
1ﬂ443+sm2x o X~ +1
/2

sinx+7cosX +6
j dx

4sinXx +3cosx +5

0 0

76 [ X g
[———dx
£x4+x2+1
/2
7. | (x? +1)sin xdx
0
/2
78. |

0

4sin3 x
1+ cosx

dx

1
79. j 1—x2dx
~1/2 o€ €

4r/3
go. [ 9%

. X
© SIN—
2
/3
81. | tg*xdx
/4
3
82.I x? —1dx
N

1
83.J‘ x? +1dx
0

84, | ————
£ 2—cos%x

1
85. j«/(l—x2)3dx
0

/2 2|a;
X7 |SIN TtX
86'2 J. ‘—X‘dx
/2 1+2
™21 4 sinx

0 1+ cosx

87. e*dx

Nguyén Chién: 0973.514.674 45

(HV TCKT_97)

(HV TCKT_98)

(HV TCKT_99)

T
jxcos4xsh13xdx

(HV TCKT_00)

(PH M&_97)

(PH Y HN_95)

(PH Y HN 98)

(PH Y HN 99)

(PH Y HN_00)

(PH Y HN_01B)

(PHY TB 97B)

(PH'Y TB_00)

(PH'Y HP_00)

(PH Duogc_96)

(PH Duogc_00)
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10
88. j x 1g” xdx (PH Duoc_01A)
Ir‘i_3 f X
89. x.e 2dx (HV QY _97)
\/e +1 0
2 .
SInX
90. j [ c——=—=dx (HV QY_98)
\lx +1 -2\!34+5x4
1/2 dx
91. j (HV QY _99)
1+ cosx
Tc/2
92. | cosxIn(x+1+ x2 )dx (HV KT Mat M3 99)
-t/2
1.4 /3
J X6+1dx J -4d—x
oX +1 ~/6SIN" XCOSX
1
93. [ xtg®xdx (HV KT Mat M4_00)
1 xdx
94. | (HV KTQS_95)
0(x+1)
/4
95, A'S'#dx (HV KTQS_96)
o 1+cos™x
2 [indyv i
9. | sin _X3 SINX ot gxdx (HV KTQS_97)
/3 SIn®X
L dx
97. | (HV KTQS_98)
—11+x+\/1+ NG
/2
98. j cosx In(1+ cosx)dx (HV KTQS_99)
Uj/_ dx
0 (2x +1)x/x +1
b a—x2 ,
99. [-———— dx (a, b lasd thyc duong cho truéc) (HV KTQS_01A)
0(a+x2)
a
100.  [x*yx*+a’dx .,a>0 (PH AN _96)
0
101. jM (PH AN_97)
02+cos X
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71:/2 4 dX
102. | (cos® x +sin® x)dx [— (PH AN _98)
0 0COS™ X
1 i
jxezxdx szsin xdx
0 0
103 T‘d—x (PH AN_99)
ﬁxxlxz +9 -
n 242
104. [3sin®xdx | xvx® +1dx (DH TD TT_00)
0
2
105. [(xInx)*dx (PV BC TT_98)
1
e 3/ 2
106. | INV2+In"X 4 (PV BC TT_98)
X
1
™41 4 sin2x
107. | 5 —dx (PV BC TT_00)
0 COS“X
1
108. | 3dx3 (PH Luat _00)
ol+X
1
109. [(L+x)*e™dx (PH CD 98)
2 /2 /2
dx dx 2
110. _ 2x —1)cos“ xdx bH Cb 99
£~/ex+1 (I) 1+sin2x I ( ) ( )
1 2
111, de [ '”(X; Y ax (PH CP_00)
08 +3 1 X
/2 .
112, I 1+S_m2X+C052de jMd (PHNNT 97)
g SINX+cCoSX 0 1+ e2X
/2 /2
113, [ LosxX [ e¥sin3xdx (PH NN I_98B)
0 1+ cosx 0
1
114. [x(1-x)"dx (PH NN 1 99B)
115, [—=— [ xtg“xdx (PHNN1_00)
1 X(X°+1) 0
n/2
116. | cos’ -~ dx (DHNN I 01A)
n/4 Sln X
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2
117. [In(1+ x)dx
1

1 x? £sinx

118. [ 2T gx
_Il X2 +1
nl2

119. | x

0 2 +Sin X + Cos X

1

120. sz.sinxdx
0
a

121. szxlaz—xzdx (a>0)
0

122.

x>1—x%dx

) —

193, xax

—_—pn @

_1x2+2

T
124, jxsin3 xdx

(PH Lam Nghiép_97)

(PH Lam Nghiép_98)

(PH Lam Nghiép_00)

(DH SP HN 1 99D)

(DH SP HN I 00)

(DH SP HN I 01B)

(PH THop_93)

(DH THop_94)

0
o SINX+CosSX
125, | % (PH QG_96)
' 01+\/; N
/2 ;.3 1
126. | M jd—x (PH QG _97A, B, D)
o 1+cos”Xx 0 X +1++Xx
} x2dx } xdx
04—x2 04—x2
1 1 nl4 3
127. | ax [x3V1+ x%dx [ % ax (BH QG_98)
0 +1 0 o COS“X
n/6 2 n/6 2
128.Tinh I= | — "2 —dx; J= [ —~——dx.
0 sinx+\/§cosx 0 sinx+\/§cosx
5n/3
Turdo suy ra: | COS2X 4y (PH QG HCM 01A)
3n/2COSX—‘\ESlnX
n/4 /4
129. [ 5e*sin2xdx [ 2cosxdx (HSPI_97)
0 o 3+2sinx
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130.Cho f(x) lién tuc tren R : f(x)+f(—x)=+2-2cos2x VxeR. Tinh

3n/2
[ f(x)dx
—3n/2
/2
131. j(sin10x+sin10x—cos
0
34,2 0
132. [ X F24x [ —
1 x“+1 SINX A A X+ 2
1 /4
133. [xz 1—x2dx |
0

4xsin4x)dx

3sin X + cos X

T
134, jsin2 X c0s2 xdx
0

1+sinx)dx I dx
1+cosx 1x(1+\/§)

1
136. jxll—xz arcsin xdx I 1-x

o 1+ 2%

n/2
135. [ In(
0

1 2

137. [ (& sinx +eXx?)dx
-1

138, [ ——dt
ot +2t+1

1 2 1
130, [ T ax [Vx? +1x
0

1/21+ X

1,2
14O'I(X +2x)dx

0 VX°+1

T /4 dx
141. jsin3x0033xdx j

o 1+1tgx

142.

"fz sin® x

0 sin® x + cos® x

143. dx

144,

I\/erl
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(sinx +2cosx) dx

(DH SPII_98A)

(PH SPII_00)

(CD SP HN_00)
(CD SP HN _00)
(CD SP MGTW 00)

(CD SP KT _00)

(CD PCCC_00)
(PH TN_00)
(PH SP Vinh_98)
(PH SP Vinh_99)
(PH HDP_99)
(PH HP 00)
(PH Hué 98)
(PH Hué 00)

(PH BN _97)
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/2 T
145. [ —=2X [ cosxdx (PH DN _98)
0 \1+cos?x pltsinx
1'[/4 dX 2
146. | — [ xInxdx (PH BN _99)
o COS” X 3
/2 .- nl2 .
147, Is!nx cosxOIX I sin xdx (BH BN _00)
174 SINX +COSX o 1+2cosx
1,2
148. IX +X+aZrCth (PH Tnguyén_00)
0 1+x
149 ?X—de }(1+3x)(1+ 2x +3x2)dx (DH Quy Nhon)
' 0\3/3x+2 0
’ TEZ e f
150. IZ%Inxd jsin&dx | Inde (PH Da Lat)
X
1 1
3,2
xX“+1 .
151. [x?y/x3 +1dx dx Can
I £4x+1
/2 3 /2 -3 :
I _ COoSs™ X dx I _ sin”x dx . 4sm4x . dx
0 SIN X + COS X 0 SIN X + COS X o SINT"X+COS™ X
e 1
j%& jx3e “ dx | X _ dx
1 x(In? x +1) 11++/x
/2 /2
152. | sin 2x(L+sin? x)3dx jsinxcosx(1+cosx)2dx
0
/2
| (x? +1)sin xdx jx +2X (PH Thuy san NT)
0
/2 n/2
153. | de | X 0s? xdx (PH BK
5 COS°X+3 9
/2 1 X
[ cos* 2xdx
0 0(2x+1)
154, [ XSINX_gy j xy1—xdx (PH Y Duoc HCM)
09+4cos X 0
T
155, [ SN “xdx [ V1=sinxdx (PH Ngoai thuong)
c 1430 =
e 1
jxlnzxdx jx3 1—x?dx
1
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156. f X Sin xdx

01+ c0s? X
/3

J

0

sin xdx
Sin X + COS X

—X

157. j dx

ol+e™™
1/{2 w4
0 x? -1
“fz sin2x

o 1+cos*x

/2 ) 3
j sin x cos® xdx
0

158. j[ L

1+ %2

dx

dx

ﬂx—]{dx
0
1

159. [\1-x?dx

dx

?1+In2x
X
3

1

Ox +1
In2 x

161. j __° i

T

0

162.

TE/2

163.

2f dx

VJ‘E xVxZ +4

mA xdx

165. j

164.

1+ cos2x
Nguyén Chién: 0973.514.674

—ex}dx

T
[arctg(cosx)dx
0
1 T
24X—+11dx jcos“xdx
0 X~ +5X+6 0
T T
Ixsinxdx fx?’sinxdx
0 0
nfz sin 2xdx
0 1+sin*x
1 /4
xax . 4
sin™ xdx
(I)»\/2x+1 ({

1
[e* sin®(mx)dx
0

1
[ (x—1)e**dx

1
j eV dix
0

5
jx(x—4)20dx

In2

I

j ( 2X+3x+1)d

X+ 3e¥
e2X 4 3eX +2

f x/l cos’ X.sin x.cos’ xdx

o1

(DH SP HCM)

(DPH QG HCM)

(PHDL NN Tin Hoc)

1 Xy\2
[

(Dy bi_02)

(Du bi_02)

(Du bi_02)
(Du bi_02)
(Pé chung_03A)

(Du bi_03)

(DL)
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1
166. J-X3 1—x%dx
0
n/4

J- 1-2sin’x

167. dx

o l+sin2x
In5 2X

168. |

In2 \Ae —

169. Cho ham sé: f(x)=

(x+1)

1
f'(0)=—22 va [f(x)dx =5.
0

170. ﬂxz —X‘dX

171. j x’e* dx

—dx
11+ x —
‘V1+3Inx. lnx

174. j

175. j In(x> —x)dx

176. js1n2x+s1nx
o N1+3cosx
177 J/. sin 2X. cosx
o l+cosx
n/2
178. I ( sinx +Cosx)cosxdx
0
7
179.

0
n/2

180. I sin” xtgxdx
0
/2

181. [ e sin2xdx
0
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(Du bi_03)
(Pé chung_03B)

(Du bi_03)

~+bxe", tim a, b biét rang:

(Dy bi_03)

(Pé chung_03D)
(Du bi_03)
(Du bi_03)
(Dé chung_04A)
(Pé chung_04B)
(Pé chung_04D)
(Dé chung_05A)
(Pé chung_05B)
(Pé chung_05D)
(Du bi_05)
(Du bi_05)

(Du bi_04)
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2.4 2
182. | Xl (Du bi_05)
o X +4
/4 )
183. _[ (tgx + ™" cosx)dx (Du bi_05)
0
184. [x* Inxdx (Dy bi_05)
1
m/2 sin2x )
185. | dx (Du bi_05)
0 \/coszx+4sinzx
186 T dx (Du bi_06)
ox+1+4x +1 ST
1
187. [(x—2)e™dx (Dé chung_06D)
0
/2
188. [ (x+1)sin2xdx (Du bj_06)
0
2
189. [(x—2)Inxdx (Du bi_06)
1
In5
190. | & ix (Dy bi_06)
n3€ +2e -3
10 dX
191, [———— Dy bi_06
By (B bi.09)
e 3-2Inx
192, [ 2—=—2 4x Dy bi_06
'1[ xv1+2Inx (Durbi_06)
Bos 3
193. [ 22 X dx (CD SP_04A)
0 \lxz +1
3
194. [(|jx+2|-|]x-2|) (CD GTVT_04)
-3
o
195. dx (CD KTKT 04A)
ovx’+1
B
196, [ -2 (Du bj_04)
] X+ X
In8
197. j Je* +1.e2dx (Du bi_04)
In3
198. j Jx.sinv/xdx (Du bi_05)
0
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1
199. J.xxll —xdx

In’ x

1 X\/ll’lX+

n/2

201. j (2x — 1) cos® xdx

200

Bai 1. PH, CP Khdi A — 2005

V4

2sin 2x+3|nx
j dx
0

1+ 3cos x

Bai 2. PH, CP Khdi B — 2005

Sin 2x cos x
—dx

1+ cosx

I=

oty

Bai 3. PH, CP Khdi D — 2005

Bai 5. Tham khao 2005

sin® xtgxdx

—
o'—.wm

Bai 6. Tham khao 2005

sinx

(tgx +e” ".CoS X)dx

]
o'—.bm

Bai 7. Tham khao 2005
1= J-xz In xdx
1

Bai 8. CP Khéi A, B — 2005
Nguyén Chién: 0973.514.674

THI DH 2005 -2008

34
KQ: —
Q 27

KQ: 21n2—1

T
KQ: e+—-1
Q 4

141
KQ: —23,1
Q 10

KQ: In2—=

1
KQ: ln\/EJreﬁ -1

2
KQ: —e’ +—
Q9

54

(Dy bi_04)

(Du bi_05)
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1
= an.\/XZ +3dx
0

Bai 9. CP Xay Dung S6 3 — 2005

3
x—3
1= dx
£3Vx+1+x+3

Bai 10. CP GTVT - 2005

I

1
J‘X5 1—x%dx
0

KQ:

KQ:

Bai 11. CP Kinh Té Ky Thuat | — 2005

e** sin 5xdx

]
o'—.wm

KQ:

Bai 12. CP Tai Chinh Ké Toan IV — 2005

NR)
1= J.\/x3 +1.x°%dx
0

KQ:

Bai 13. CP Truyén Hinh Khéi A — 2005

Bai 14. CDSP Tp.HCM - 2005

I:.Td—x
_lx2+2x+4

Bai 15. CP KT-KT Can Tho — 2005
In
= j X d

Bai 16. CDSP Vinh Long — 2005

Bai 17. CP Bén Tre — 2005

L
j cos3x
0smx+1
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KQ:

KQ:

KQ:

:6In3-8

3z

3e? +5

34

848
105

—In2

N

18

46
15

2-3In2

55



Nguyén ham va tich phan — Nguyén Chién

N@k chienmath43@gmail.com

Bai 18. CDSP Séc Tring Khéi A — 2005

= j~ sin xdx
. 9 2 X I=1In2
0Sin° x +2C0SX.COS“ —
KQ: K B
I j’» xsin? xdx 3 4
< sin 2x cos? x
Bai 19. CP Cong Pong Vinh Long — 2005
e 2
+1
I:Jxlnxdx KQ: ©
1 4
Bai 20. CP Céong Nghiép Ha Noi — 2005
: -
= [Vxsinxdx KQ: X —4
5 2
Bai 21. CDSP Ha Néi — 2005
2 3 2
+2x°+4x+9
I:jx T Tk KQ: 642
5 X“+4 8
Bai 22. CD Tai Chinh — 2005
t xdx 1
I= KQ: —
‘!(x +1)° 8
Bai 23. CPSP Vinh Phic — 2005
Je
dx /4
[= [——— KQ: =
'!xxll— In? x 6
Bai 24. CDSP Ha Ngi — 2005
% =~ 2004
sin“>™x T
I=|— dx KQ: —
-([ sin?°%x + cos?%%x 4
Bai 25. CDSP KonTum - 2005
7 paind
4sin
1= I—de KQ: 2
o 1+cosx
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NAM 2006

Bai 1. PH, CP Khdi A — 2006

3 .
1= sin 2x dx KO:

2 =2
0 \/cos X +4sin” x

W | o

Bai 2. Tham khao 2006

I=

6
KQ: In=——
'£2X+1+\/4x+1 2 12

Bai 3. PH, CP Khdi D — 2006

1 2
I=[(x-2)e™ dx kQ: 273¢

0

Bai 4. Tham khao 2006

I=|(x+1)sin2xdx KQ: =+1

o'—.m\h\

Bai 5. Tham khao 2006

I=[(x-2)lnxdx KQ: =—-In4

_c_..\;

Bai 6. PH, CP Khoi B — 2006

In5 dX
[=[—— KQ: In
o,e +2e -3

Bai 7. Tham khao 2006

10 dX
Izj— KQ: 2In2+1

< Xx—24x—1

Bai 8. Tham khao 2006

€ 3
I:J- 3-2Inx 10@ 11
1

e e KQ: —
xa/1+21nx 3 3

Bai 9. CP KTKT Céng Nghiép |1 — 2006

1=jx1n(1+x2)dx KQ: an—%

0
(Doi bién t=1+x>, tirng phan)

Bai 10. CP Co Khi — Luyén Kim — 2006
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Z ln 1+X 3
1= j KQ: 3In2—-=1n3
1 2
Bai 11. CP Nong Lam — 2006
1
Izjx x? +1dx KQ: Z\E_l
0 3
Bai 12. PH Hai Phong — 2006
£ox
= [—dx KQ: —1n2
1+x

0

Bai 13. CP Y Té — 2006

Sin X — COS X

—dx KQ: In«?2
J1+sin2x Q n\/_

I=

AN e—o ]y

Bai 14. CP Tai Chinh K& Toan — 2006
3
I=[xIn(x*+5)dx  KQ: (141n14 5In5-9)
0

Bai 15. CD Sw Pham Hai Dwong — 2006

dx KQ: —

I:j CcOS2X 1
0 (sinx—cosx+3)3 32

Bai 16. H¢ CP — PH Hung Vwong — 2006

T
J- X — 1 cosx dx KQ: i—1
0
Bai 17. CP KTKT Poéng Du — 2006
3
2
I=[—2= KQ: L1n3
o 1+2sin 2X 4
Bai 18. CP Su Pham Quang Binh — 2006
In2 2X
e 8
= dx KQ: 2\3-2
! Jer +2 3

Bai 19. CD Sw Pham Quang Ngai — 2006

Nguyén Chién: 0973.514.674 58



Nguyén ham va tich phan — Nguyén Chién

N@k chienmath43@gmail.com

Bai 20

Bai 21

Bai 22

Bai 23

p
-]

. CD Sw Pham Tra Vinh — 2006

i
]

. CD Ban Cong — Cong Nghé - Tp.HCM - 2006

-]

-1

3

1+cosx

X

> dx
Cos” X

x—3

_d
3VX+1+Xx+3

KQ:

2

2

T
- Zim X2

X KQ: 6In3-8

. CP Su Pham Tién Giang — 2006

1= J.x.%/l—x dx
1

. CD Bén Tre — 2006

I jj[xi:l

Bai 24.

I=

Bai 25.

I=

Bai 26.

I:Jl‘x(ez" +3{/E)dx KQ:

9

1

0

O V| N

0

(2x - 1)COS 2 xdx

jlnxdx

IXZ 2+x° dx

KQ:

KQ:

KQ:

KQ:17Z'

Bai 27. CP KT-KT Cong Nghiép | — 2006

Bai 28. CP KT-KT Céng Nghiép Il — 2006
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I=

O —— 0 | N

sin 3x

2cos3x+1

dx

KQ:

_468

2¢* 11
+_
9 18

4 14

Khong ton tai
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I:jxln(1+x2)dx KQ: In2——
0

Bai 29. CP Xay dung s 2 — 2006

2
Jx—1
1=jX X7 dx KQ: 22 _101n3
1 Xx-5 3
Bai 30. CP Xay dung s6 3 — 2006
. 5
I=|(x+cos®x)sinxdx KQ: —
J(xcos's) %]
Bai 31. CP GTVT III — 2006
% COSX 1 5
[=|——dx KQ: —In=
;[5—2sinx Q 2 3

J=|(2x+7)In(x+1)dx  KQ: 24In3-14

O ey

Bai 32. CP Kinh té d6i ngoai — 2006

: 76
I=|(1-tg’x)dx KQ: —
J(1-ex) % 63
Bai 33. CDSP Hung Yén - Khéi A— 2006
¢ o4x+3
I=[5———dx KQ: 18In2—71n3
3 X" —3x+2
Bai 34. CDSP Hung Yén - Khoi B— 2006
% gin 3x —sin’ 3x 1 1
I:j—dx KQ: ——+—=In2
y 1+cos3x 6 3

Bai 35. CDSP Hung Yén - Khoi D; , M— 2006

€ 3 2
- jlnx— N2+In°x KO: 3(3%_2@)
1

X

Bai 36. CP Bin cong Hoa Sen — Khdi A — 2006

4 - 4 !
(cos X —sin x)dx KQ: >

I=

O e | N
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Bai 37. CP Ban cong Hoa Sen — Khoi D — 2006

COS2X 1

1= [—S95=X i« KO: L1
1+2sin2x Q: I3

O e | N

Bai 38. CDSP Trung Uong — 2006

3
I= Ismxsm 2xdx KQ: %
0
Bai 39. CPSP Ha Nam — Khéi A — 2006
1 4
Izj KQ: In———
0 X+3 3
Bai 40. CPSP Ha Nam — Khéi M — 2006
2 2
I:szcosxdx KQ: Z 5
1 4

Bai 41. CPSP Ha Nam — Khéi A (DB) — 2006

I= Kz
'!-X1+IIIX Q4

Bai 42. CPKT Y Té I —2006

Sin X — COS X

——dx KQ: In«?2
J1+sin2x Q n\/_

I=

BN —o N

Bai 43. CD Tai Chinh Hai Quan — 2006

3
I:-[ln.(tgx) dx KQ: Lln23
:

Bai 44. CP Ki thuit Cao Thing — 2006

I= js1n2x(1+sm x)3 dx KQ: E
. 4
Bai 45. CDKT Tp.HCM Khéa II - 2006
In x
I= j KQ: 4—2e
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Bai 46. CBCN Thuc pham Tp.HCM — 2006

1
1 T
I: —dX KQ -

-([x2+2x+2 4

Bai 47. CP Pién luc Tp.HCM — 2006

dx KQ:

7
I_j- X+2 ﬁ
o 3x+1 15

Bai 48. CP Kinh té cong nghé Tp.HCM Khéi A- 2006

NG

4 X T
1= d KQ: ——In—
o Q2o

COS2 X

Bai 49. CP Kinh té cong nghé Tp.HCM Khéi D, — 2006

I=

—_— o

(4x—1)lnxdx KQ: 6In2-2
Bai 50. CPSP Ha Ni Khéi D, — 2006

dx 2

KQ: ——=In2.
sin x.sin(x +73Zj \/g

NAM 2007

I=

N |y

Bai 1. PH, CP khéi A — 2007

Tinh dign tich hinh phéng gi6i han béi cac duwdmng: y=(e+1)x, y =(1+¢")x.

e
KQ: —-1
Q2

Bai 2. PH, CP khdi B — 2007
Cho hinh phing H giéi han béi cac dwong y=xInx, y=0,y=e. Tinh thé tich cia khdi tron xoay
tao thanh khi quay hinh H quanh truc Ox.
7r(5¢3 —2)
KQ: ———~
Q 27
Bai 3. PH, CP khéi D — 2007

Tinh tich phan 1= _[x3 In® x dx

1
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5e* —1
KQ:
Q 32
Bai 4. Tham khao khdi A — 2007
4
[ N2x+1 KQ: 2 +1n2
o 1+/2x + 1

Bai 5. Tham khao khéi B — 2007

Tinh dién tich hinh phiing giéi han béi cac dwdng y=0va y = X(i_ X).

X +1
LI
42

Bai 6. Tham khao khéi B — 2007

Tinh dién tich hinh phing gi6i han béi cac duong y=x? va y=+2-x%.

W| =

T
—+
2

Bai 7. Tham khao khéi D — 2007

j”k‘”dx KQ:1+m2—%m3
0

3
Ixz cosxdx KQ: — -2
0

Bai 9. CPDSPTW - 2007

Tinh dién tich hinh phing giéi han béi ciac dwong c6 phwong trinh

y=x; x=-1, x=0.

7
KQ: —
6
Bai 10. CD GTVT — 2007
7T
2 4¢0s° X 4
j KQ: 2
) +smx

Bai 11. CDDL Coéng nghé thdng tin Tp.HCM - 2007

dx KQ:

jx+2 231
o X +1 10
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Bai 12. CP Khdi A — 2007

1 2007 2008 2008
J‘i2[1 + 1) dx KQ: i
) X X 2008

Bai 13. CP Co khi luyén kim — 2007

[ 1

.[(xlnx)z dx KQ: E(Ses —2)
Bai 14. CDSP Vinh Phuc — 2007

4 N2 BT

J1'(x3|nx) dx KQ: 21 "3

Bai 15. CP Khéi B — 2007

Tinh dién tich hinh phiang giéi han béi cac dwong y = X, Yy = X + cos’x, X =0, X = x.

T
KQ: —
2
Bai 16. CP Khdi D — 2007
0
I| X +1]dx KQ: 1
-2

Bai 17. CP Dét may thoi trang Tp.HCM — 2007

T dx N
| KQ:1-—--—5
1 X (¢ +1) 3 12
Bai 18. CP Hang hai — 2007
3
J'xi'/x2 —1dx KQ: @
1
Bai 19. CP Kinh té ki thuat Thai Binh — 2007
j.x(e2X + x+1)dx KQ: §e’2 il
) 4 60

Bai 20. CD Céng nghiép Phuc Yén — 2007

1
J' xe* dx KQ: 1
0
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NAM 2008
Bai1) Tinhl _jtca:s)’(‘ - DH, CP Khéi A — 2008 KQ: %In<2+«/§)—%
a sm(x—)dx 4-32
Bai2) Tinhl=] 4 _PH, CP Khéi B—2008  KQ: 2=
7 Sin 2X + 2(1+sin X +cos ) 4
.. . In x . 3-2In2
Bai 3) Tlnhl—'[—dx - PH, CP Khéi D - 2008 KQ: T
. ] ¢ xdx . 3(12
Bai4) Tinh1=[-"2_ -Dybil-khéi A-2008 K :—(——5336)
) Iz P @ Gl e
7l2 -
Bai5) Tinh I = [ "2 pypio.- khéi A-2008 KQ: —L41n2
o 3+4sin X—cos2x 2
2
. . (x+1)dx . £
Bai6) Tinh I = - Dw bi 1 - khoi B-2008
) i.\/4x+1 T
Bai 7) Tinh |=j XX _ Dy b 2 - khéi B-2008
0‘\)4—X2

Bai8) Tinh I=] dx - Dw bi 1 - khéi D-2008

1

0( \/ —x? J
Bai 99 CP Khdi A, B, D — 2008. Tinh dién tich hinh phang giéi han béi parabol
(P):y=—x*+4x va dudng thing d:y = x. KQ: % (dvdt)

Nguyén Chién: 0973.514.674 65



Nguyén ham va tich phan — Nguyén Chién

N@k chienmath43@gmail.com

Bai 1)

Bai 2)

Bai 3)

Bai 1)

Bai 2)

Bai 3)

Bai 1)

Bai 2)

Bai 3)

Bai 1)

Bai 2)

NAM 2009

2
Tinh | = J‘(cos3 x—1)cos® xdx - PHKA-2009
0

23+Inx

Tinh 1= [Z——dx - PHKB-2009
L (x+1)
!
Tinh 1= [—=—dx - PHKD-2009
e -1
NAM 2010
1.2 X 2,X
Tinh 1 = [X25 22X 4 BHKA-2010
o 1+2e
Tinh 1= [ % pHKB-2010
1 X(2+1Inx)
Tinh 1 =1 =J'(2x—§jln xdx - PHKD-2010
1
NAM 2011
Tinh | = [XSINXHOCDEOSK 4 pyA-2011
5 XSinX+Ccosx
3 :
Tinh 1= [2XMX g pHKB-2011
5 COS“X
] ¢ 4x-1
Tinh I = [—=="—dx - PHKD-2011
!x/2x+1+2
NAM 2012

1

3

Tinh tich phan 1= [EX00H) gy ka2012
X

1

1 3
Tinh tich phan 1 =

o X' +3x%+2
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1 27
KQ: ~(3+In=
Q4@+

KQ: In(e®+e+1) — 2

KQ:

KQ: —=+In=
Q 3

KQ: —-1

KQ: %+In(%(%+l}]

KQ: \E+2§+In(2—ﬁ)

34 3

2 -2
- —+—In2+1In3
KQ: 3" 3

1
dx. - PHKB-2012 KQ: E(Zln 3-3In2)
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2
nl4 72-_ 1
Bai3) Tinh tich phan 1= | x(1+sin2x)dx - PHKD-2012 KQ: 55 + 7

0

NAM 2013
“x* -1 5 3
Bai 1) Tinh tich phan I = j Inxdx - PHKA-2013 KQ: ZIn2->
1
. L 22 -1
Bai2) Tinhtich phan | = j x3/2— x?dx - PHKB-2013 KQ: =5
g(x +1)°
Bai 3) Tinhtich phan | = j - dx - PHKD-2013 KQ: 1+In2
0 X"+
NAM 2014

Bai 1) Tinh dién tich hinh phing giéi han béi dwong cong y=x>—x+3 va

dudng thing y = 2x+1- PHKA-2014 KQ: %
Bai 2) Tinh tich phan de - PHKB-2014 KQ: 1+In3
X2 + X

Bai3) Tinh tich phan I = [(x+1)sin 2xdx .- PHKD-2014 KQ:%

Ot |7

NAM 2015

1
Bai 1) THPTQG 2015 Tinh tich phan | = j (x-3)"dx  KQ: 4-3e

8
Bai 2) Dwbi THPTQG 2015 Tinh tich phan 1 = KQ: =
NAM 2016
3
THPTQG 2016 Tinh tich phan 1 = | 3x(x+\/x2 +16)dx KQ: 88
0
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