Cau 1: (THPT Chuyén Bac Ninh-Iin 1-nim 2017-2018) Hinh da dién nao sau day khong co tam dbi

xung?

A. Hinh bat dién déu.  B. Hinh tir dién déu.  C. Hinh 1ap phuong.  D. Hinh hop chir nhat.
Loi giai

Chon B

Cau 2: (THPT Tam Phudc-Dong Nai-Iin 1-nim 2017-2018) Cho hinh tru ¢6 ban kinh day bang 3
cm, do dai dwdng cao bang 4 cm. Tinh dién tich xung quanh cua hinh tru nay?
A. 247 (em?). B. 227(cm?). C. 26z (cm’). D. 207(em?).
L&i giai
Chon A
Ap dung céng thirc tinh dién tich xung quanh, ta co: S, =27RI=2r34= 247r(cm2)

Cau 3: (THPT Hau Loc 2-Thanh Héa-an 1-nim 2017-2018) Trong cac ménh dé sau, ménh dé nao
dung?

A. Hinh chép ¢ day 14 hinh thang vudng thi luén c6 mit cau ngoai tiép.
B. Hinh chép c6 day 1a hinh thoi thi luén c6 mat cau ngoai tiép.
C. Hinh chép c6 déy 1a hinh tir giac thi ludn c6 mit cau ngoai tiép.
D. Hinh chép c6 day 1a hinh tam giac thi ludn c6 mit cau ngoai tiép.
Loi giai:
Chon D
Diéu kién dé mot hinh chop co mit cau ngoai tiép 1a da giac day 1a da giac noi tiép dudng tron.
Do d6: Py 1a tam giac thi lu6n c6 tim dudng tron ngoai tiép.
Cau 4: (THPT Chuyén Lam-Thanh Héa-Iin 1-nam 2017-2018) Tinh thé tich ¥ cua khdi tru c6 ban
kinh day va chiéu cao déu bang 2.
AV =4r. B.V=12r. C.V=leér. D. V =8rx.
Loi giai
Chon D
Thé tich khéi tru V = 7r’h=7.2>2=8x.
Cau 5: (THPT C6 Loa-Ha Noi-lan 1-nawm-2018) Goi /, &, r lan luot la d¢ dai dudng sinh, chiéu cao
va ban kinh mat day cua hinh nén. Dién tich xung quanh S, cua hinh non la

A. S, =nrh. B. S, =2nrl. C. S, =nurl. D. S, =lizr2h.
} o3
Loi giai
Chon C
S, =nrl.

Cau 6: (THPT Luc Ngan-Bic Ninh-Ian 1 nam 2017-2018) Db thj sau day cta ham sé nao?



A\ 4

A, y=2". B. y=log, x. C.yz(—j. D. y=log, x.

Loi giai
Chon D
Do thi d3 cho co tiém can dtng 1a truc tung nén la dd thi ctiia ham sd logarit.
Ham s tuong tmg dong bién trén (0;+%) nén cd cosd a>1.
CAu 7: (THPT Lé Vin Thinh-Bic Ninh-Iin 1 nim 2017-2018) Cho khdi nén c6 ban kinh day »=+/3
va chiéu cao 4 =4. Tinh thé tich V' ctia khdi non di cho.
AV =1673. B.V =12z C.V=4. D.V=4z.
Loi giai
Chon D

5 , 2
Thé tich khéi nén la: ¥ = én(ﬁ ) A=Az,
Cau 8: (THPT Lé Vin Thinh-Bic Ninh-Ian 1 nim 2017-2018) Tinh dwdng kinh mit ciu ngoai tiép
hinh 1ap phuong c¢6 canh bang a3

A. 6a. B. 3% C.a\3. D. 3a.

Loi giai

Chon D

Goi O l1a tam hinh 1ap phuong

Ta c6 cac tor giac AA'C'C, ABC'D' va BB'D'D 1a cac hinh chit nhat
0O4A=0C=04"=0C'

= J0B=0D=0B'=0D'= O 1a tim mit cau ngoai tiép hinh lap phuong.
OA=0B=0C"=0D'

Khi d6 duong kinh d = AC" = av3~/3=3a.

Cau 9: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) Néu canh ctia hinh 1ap phuwong ting 1én gip 2
1an thi thé tich cuia hinh 1ap phuong d6 s& ting 1én bao nhiéu lan?



A. 9.

I
o0

C. 6. D. 4.
Loi giai

Chon B

Ta c6 thé tich cua hinh 14p phuong canh a 13 o°.

Do d6 khi ting canh hinh lap phuong 1én 2 1an thi thé tich 1a 84°.

Cau 10: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) Cho duong thang / cat va khong vudng goc
véi A quay quanh A thi ta dugc

A. Hinh non tron xoay. B. Mat nén tron xoay.

C. Khéi nén tron xoay. D. Mat tru tron xoay.
Loi giai

Chon B

Theo dinh nghia.

Cau 11: (THPT Triéu Son 3-Thanh Hoéa nam 2017-2018) Khbi tru tron xoay c6 duong kinh day 1a 2qa,
chiéu cao 1a /1=2a c6 thé tich la:
AV =ra. B. V =2nad’h. C.V=2ra’. D.V =2za’.
Loi giai:
Chon D

Tacd V=Sh=nr*h=na*2a=2ra’.s

CAu 12: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) Thé tich cia mot khdi cau c6 ban kinh R 1a
A. V=§7zR3. B. V:%;zRZ. C. V=%7zR3. D. V =4zR’.
Loi giai

Chon A



Cau 1: (THPT Triéu Son 1-Iin 1 niam 2017-2018) Mot hinh tru c6 ban kinh ddy bang  va c6 thiét dién
qua tryc 1a mot hinh vudng. Khi @6 dién tich toan phéan ciia hinh try d6 1a
A. 6777, B. 27717 C. 8. D. 47r°.
Loi giai
Chon A

)

2r

— o — — — — —)

\
\
_|
|
I

/

\
/

I

I

I
T—

I

T

I
o

Do thiét dién qua truc 1a hinh vuéng nén A=17=2r.
Tacd S, =S, +2S,=27r2r+ 2t =6xr’.
Cau 2: (THPT Chuyén Vinh Phtic-lan 1 MD 904 nam 2017-2018) Cong thuc tinh dién tich mat cu
ban kinh R 1a
A. S=nR. B. S:§RR3. C. S:%nRz. D. S=4nR’.
Loi giai
Chon D
Cong thtre tinh dién tich mat cdu ban kinh R 1a S =4nR’.

Cau 3: (THPT Kim Lién-Ha No6i nam 2017-2018) Trong cac hinh da dién sau, hinh nao khong noi tiép
duoc trong mot mat cau?

A. Hinh tir dién. B. Hinh hdp chir nhat.

C. Hinh chép ngii giac déu. D. Hinh chép c6 day 1a hinh thang vuong.
Loi giai

Chon D

Vi hinh thang vuéng khong ni tiép duoc trong mét duong tron nén hinh chép c6 day 1a hinh
thang vudng khong noéi tiep dugc trong mot mat cau.
Cau 4: (THPT Kién An-Hii Phong nim 2017-2018) Cho hinh cdu duong kinh 2a+/3 . Mat phing (P)
cat hinh cau theo thiét dién 13 hinh tron ¢6 ban kinh bang a~/2 . Tinh khoang céach tir tam hinh
cau dén mit phang (P).
2. C. av10. p, 410
2 2
Loi giai

A.a. B.

Chon A



Bén kinh hinh cdu di cho 1a R = a\/§ .

Khoang cach tir tim hinh cau dén mit phang (P) lad= \/(a\/g)2 _(a\/E)Z —q.

Ciu 5: (THPT Kién An-Hai Phong nim 2017-2018) Tinh dién tich xung quanh ctia mét hinh tru c6 chiéu
cao 20 m, chu vi day bang 5m.
A. 50m’. B. 507 m’. C. 1007z m’. D. 100 m”>.
Loi giai
Chon D
Tacochuviddy C=27R=5 .
Dién tich xung quanh cua hinh tru la S, =27zRI =5.20=100 m’.

Cau 6: (THPT Kién An-Hai Phong nim 2017-2018) Cho khdi nén cé chiéu cao bang 24 cm, do dai
duong sinh bang 26 cm. Tinh thé tich ¥ ciia kh6i non tuong mg.

1600z o’ v

3 - 3

8007
= cm .

A. V =8007 cm’. B.V=1600r cm’. C.V=
Loi giai

Chon D

Ban kinh d4y ctia hinh nén: R=~1>—#> =10 cm.

Vay thé tich khdi non tuong tng la: ¥ = %ﬂRz.h = %:.100.24 = %.

CAu 7: (THPT Chuyén Luong Van Tuy-Ninh Binh Iin 1 nim 2017-2018) Cho mit cau c6 dién tich

2

bang 87a . Ban kinh mat cau bang
A. “\/g. B. "‘/3. C. “\/g. D. “*/5.
3 3 2 3
Loi giai
Chgn A
87a’ _ a6

< R

Dién tich mat cdu S. =4zR* < 4zR’ = 3

Cau 8: (THPT Chuyén Tran Pht-Hai Phong Ian 1 nam 2017-2018) Cho mit cau c6 dién tich bang
2r (cm2 ) Béan kinh R cua khdi cau bang:
A. R=6(cm). B. R=+6 (cm).  C.R=3(cm). D. R=32 (cm).
Loi gidi
Chon D
* Ta c6 dién tich ciia mat cdu S =47R* =727 < R* =18= R=32.



Ciu 9: (THPT Poan Thwong-Hai Dwong-lan 2 nam 2017-2018) Chon ménh dé dang trong cac ménh
de sau?
A. Hinh c6 day 1a hinh binh hanh thi c6 mit cau ngoai tiép.
B. Hinh c6 ddy 1a hinh tir giac thi c6 mat cau ngoai tiép.
C. Hinh c¢6 day 14 hinh thang thi c6 mit cdu ngoai tiép.

D. Hinh c6 day 1a hinh thang can thi c6 mit cau ngoai tiép.

Loi giai
Chon D
Mot hinh chdp c6 mit cdu ngoai tiép khi va chi khi day ctia n6 1a mot da giac noi tiép dugc
duong tron.

Nhu vay day 14 hinh binh hanh, hinh t& giac, hinh thang bat ky chua chéc da ndi tiép duoc mot
mit ciu nén dap an A, B,C (loai).

Ciu 10: (THPT Doan Thugng-Hai Dwong-lan 2 nam 2017-2018) Cho hinh non tron xoay ¢6 ban kinh
duong tron day #, chiéu cao 4 va dudng sinh /.
Két luan nao sau dy sai?

A. Vz%ﬂrQh. B. S, =7xrl+7zr’. C.n*=r’+I". D. S, =#rl.
Loi giai
Chon C
S

Ta c6 tam gidc SOB vudng tai O nén: b’ +r> =1 =>h’ =1 —r".

Cau 11: (THPT Ha Huy Tap-Ha Tinh-Ian 1 nam 2017-2018) Cho khdi nén c6 ban kinh day » = V3 va
chiéu cao /=4 . Tinh thé tich ¥/ cua khdi nén da cho.

1672\/5

AV == B.V=4r. C.V=1673. D.V=12r.

Loi giai

Chon B




Thé tich khdinoén V = %nrzh =4r.

Cau 12: (THPT Luong Thé Vinh-Ha No6i nam 2017-2018) Cho hinh chép t gidc déu S.4ABCD co
canh day bang a. Tam gidc SAB c6 dién tich bang 24°. Thé tich cua khdi nén ¢ dinh S va
duong tron day noi tiép tir giac ABCD .
3 3 3 3
A. ﬁa\ﬁ. B. ﬁa\ﬁ. C. na\ﬁ. D. ”a\/g.
- 8 7 4 24

Chon A

Goi O=ACNBD va M latrung diém 4B . Hinh nén c6 dinh S va dudng tron day noi tiép
it gidc ABCD c6 ban kinh day 1a R = OM :% va c6 chidu cao 1a /1 = SO.

2
wa

Thé tich khdi nén ¥ = %Bh trong d6 B = 7R’ =
Dién tich tam gidc S4B 1a 2a° nén %SM.AB =2a" < SM =4a.

2
Trong tam gidc vudng SOM tacd SO =~SM*-OM* =, /16(12 —a: = 3a7 hay 4 = 37 .

2 2
3
Viy thé tich ctia khdi nén V = 7ra8\/7 .

Cau 13: (THPT Thang Long-Ha N6i-lan 1 nam 2017-2018) Cho tam giac ABC vuong tai 4. Khi quay
tam giac ABC (ké ca cac diém trong) quanh canh AC ta duoc
A. Khéi non. B. Mat non. C. Khbi tru. D. Khdi cau

Loi gidi

Chon A

Cau 14: (THPT Thang Long-Ha Néi-lan 1 nam 2017-2018) Cho hinh chép S.4BCD c6 ddy ABCD la
hinh chir nhat, S4 vudng goc véi ddy, I 1 tim mat cau ngoai tiép hinh chop. Khang dinh nao
sau day la dang?

A. I 1atrung diém SC . B. / 1a tim dudng tron ngoai tiép tam giac SBD .
C. I la giao diém cua AC va BD. D. / 1atrung diém SA4.
Loi giai

Chon A



Goi I 14 trung diém SC.

Taco SAL(ABCD) =S4 L AC = tam gidc SAC vudngtai 4 = I4=1C =15 (1)
Lai c6: 4B, AD la hinh chiéu vuéng géc ciia SB, SD 1én mit phang (ABCD)

Ma BC L AB, CD L AD nén BC L SB, CD L SD (dinh li ba duong vudng goc)
IB=IC=1S (2)
IC=ID=1IS

Tir (1) va (2) suy ra / 1a tim mat cAu ngoai tiép hinh chop

= cac tam giac SBC va SAD vuong tai B va D :>{

Vay tdm / ciia mit ciu ngoai tiép hinh chép 14 trung diém SC .
CAu 15: (THPT Chuyén Thai Binh-lan 2 nam hoc 2017-2018) Cho hinh nén ¢6 d6 dai duong sinh / = 4a va
ban kinh day » = a3 Dién tich xung quanh ctia hinh non bang

47ra2\/§
Ty

A. 27[02\/5. B C. 87za2\/§. D. 47za2\/§.

Loi gidi
Chon D
Tacd S, =nrl =na3.4a =4ra* 3.

Cau 16: (SGD Bic Ninh nam 2017-2018) Dién tich ctia mit ciu c6 ban kinh R bﬁng
A. 27R*. B. 7R*. C. 4zR’. D. 27R.
Loi giai
Chon C
Dién tich ciia mit cdu c6 ban kinh R bing 47R>.

Cau 17: (SGD Ninh Binh nim 2017-2018) Néu diém M trong khong gian luén nhin doan thang AB ¢
dinh dudi mot goc vudng thi M thudc

A. Mot mit cau cb dinh. B. Mot khéi cau ¢ dinh.

C. Mot duong tron ¢ dinh. D. Mot hinh tron ¢é dinh.
Loi giai

Chon A

Theo 1y thuyét.

Ciu 18: (THPT Chuyén Phan Boi Chau-Nghé An- Ian 1 nim 2017-2018) Cho hinh tru c6 chiéu cao
bang 2a, ban kinh day bang « . Tinh dién tich xung quanh ctia hinh try.
A. ma’. B. 24°. C. 27a*. D. 4rza’.
Loi giai
Chon D
Dién tich xung quanh: § = 2zR.h = 2w.a.2a = 4na’ .

Cau 19: (THPT Chuyén Quéc Hoc-Hué nam 2017-2018) Trong cadc ménh dé sau, ménh dé nao dang ?



A. T?)n tai mot hinh da dién co sé canh béng s6 diqh.

B. Tc}n tai mot hinh da dién c6 s6 canh va so mat bang nhau.

C. S@ dinh va s6 mat cua hinh dq dién luon jbéng nhau.

D. T6n tai mot hinh da dién c6 so dinh va s6 méat bang nhau.
Loi giai

Chon D

Hinh tir dién c6 4 dinh va 4 mat.

CAu 20: (THPT Hoai An-Hai Phong nam 2017-2018) Mot hinh tru c6 ban kinh day 1a ». Goi O, O’ 1a
tam cia hai day v6i OO’ =2r. Mit cu (S) tiép xic v6i hai ddy ctia hinh tru tai O va O'.
Phét biéu nao dudi ddy 1a sai?

A. Dién tich mat cau bang di¢n tich xung quanh cua hinh try.

B. Dién tich mit cau bﬁng % dién tich toan phﬁn hinh tru.
C. Thé tich khoi cau bang % thé tich khdi try.

D. Thé tich khéi cau bang % thé tich khdi try.

Loi gisi
Chon C
Mt ciu (S) tiép xtic voi hai day ctia hinh try tai O va O’ nén ban kinh mit cau ciing 13 7.

4 :%M, V. =27r".Dodé V, :%V = Khang dinh C sai.

t

Cau 21: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho tam giac ABC vudng tai 4. Khi quay
tam giac d6 quanh canh goc vuéng AB, duong gap khiic BCA tao thanh hinh tron xoay nao
trong bon hinh sau day.

A. Hinh non. B. Hinh truy. C. Hinh cau. D. Mit nén.
Loi giai
Chon A
Khi quay tam giac d6 quanh canh géc vudng 4B, dudng gip khic BCA tao thanh hinh tron
xoay la hinh non.

Cau 22: (THPT Hong Quang-Hai Duong nam 2017-2018) Tinh ban kinh r ctia khéi cau c6 thé tich 1a

V :367r(cm3).

A. r=3(cm). B. r=6(cm). C. r=4(cm). D. r=9(cm).
Loi gidi

Chon B

Ta co Vz%ﬂr3:r3:3—V =7’ =27=r=3.Vay r=3(cm).
r

Cau 23: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho hinh try ¢ thiét dién qua truc la mot
hinh vuéng, dién tich mdi mat day bang S = 97r(cm2) . Tinh dién tich xung quanh hinh tru do.
A.S,=36z(cm’).  B.S, =187(cm’). C.S, =72z(cm’). D.S, =97(cm’).

Loi giai
Chon B
Thiét dién qua truc 1a mot hinh vuéng nén 4 =2r.



Dién tich day S = 97r(cm2) < r’r=97 < r=3(cm) = h=6(cm).
Véy dién tich xung quanh S, =2r7h= 367r(cm2) .

Cau 24: (THPT Kinh Mén 2-Hai Dwong nam 2017-2018) Mot hinh cu c¢6 ban kinh bang 2 (m). Hoi
dién tich cua mat cau bﬁng bao nhiéu ?
A. 47r (m?). B. 167 (m?). C. 87 (m?). D. 7z (m?).
Loi giai
Chon B
Dién tich mit cau S =47R* =167 (m?).
CAu 25: (THPT Quing Xuong 1-Thanh Hoéa nam 2017-2018) Mt hd boi hinh hdp chit nhat c6 ddy la
hinh vuéng canh bang 50 (m) Luong nuéc trong hd cao 1,5 (m) Thé tich nudc trong ho 1a
A. 1875 (m’). B. 2500 (m’). C. 1250 (m’). D. 3750 (m’).
Loi giai
Chon D
Thé tich nuc trong hd la ¥ =1,5.50° =3750 (m’).

Céu 26: (THPT Tran Qudc Tudn nam 2017-2018) Tinh thé tich ¥ cta khéi noén cé ban kinh hinh tron
day R=30 (cm), chiéu cao A =20 (cm).
A. V =180007 (cm®). B. ¥ =60007 (cm®). C.¥ =18007 (cm®). D. ¥ =600z (cm®).

Huéng din giai
Chon B

Taco V = %nth = %n.302.20 = 60007 (cmz) .

Cau 27: (THPT Thanh Mién 1-Hai Dwong-lan 1 nam 2017-2018) Goi I, &, R lan luot 1a do dai
duong sinh, chiéu cao va ban kinh day cta hinh try. Pang thirc lu6n dung 1a
A.l=h. B. R=h. C.’=h>+R*. D. RP=h"+1*.

Loi giai

Chon A
Trong hinh tru ta luéncéd /=4.

Cau 28: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Cho tam gidc AOB vudng tai O, c6
OAB =30° va AB =a. Quay tam giac A0B quanh truc 40 ta dugc mdt hinh non. Tinh dién
tich xung quanh S, cta hinh nén do.

2 2
_ma s _ma B 5
A. Sy = 5 B. S, =na". C. Sy SRR D. S,, =2ra".
Loi giai
Chon B
A



Sy = 7RI trong 46 R =0B, | = AB. Trong tam giac vuéng OAB ta c6 OB = AB.sin30° hay

AB a . ra’
R:T:E. Vay qu =

Cau 29: (THPT Xuan Truong-Nam Dinh nim 2017-2018) Khinh khi ciu ctia Méng—gon—fie
(Montgolfier) (nguoi Phap) nha phat minh ra khinh khi ciu dung khi néng. Coi khinh khi cau
nay 1a mot mat clu ¢ duong kinh 11m thi dién tich cua mat khinh khi cau la bao nhiéu ? (léy

TR % va lam tron két qua dén chir s thap phan thi hai).

A. 380,29 (m’). B. 697,19(m2). C. 190,14(m’). D. 95,07 (mz).
Loi giai

Chon A

Ban kinh cta khi khi cau la R = 1—21(m) :

Di¢n tich mit cAu 1a § =47R* =1217 ~380.29(m’).

Cau 30: (THPT D6 Lwong 4-Nghé An nam 2017-2018)Thé tich cua khdi cau cé dién tich mat ngoai

bang 367.
A. 97. B. 367. c.Z p. Z.
9 3
Loi giai
Chon B
Ta cé:

* S.=47R* =361 => R*=9=R=3.

=V, =§7IR3 =§7z.33 =36r.

Cau 31: (THPT Hau Loc 2-Thanh Hoéa nam 2017-2018) Chon khfmg dinh sai trong cac khéng dinh sau:
A. Cit hinh nén tron xoay bang mot miat phang di qua truc thu dugc thiét dién 13 tam giac cén.
B. Cit hinh try tron xoay bang mot mit phang vudng goc véi truc thu duge thiét dién 1a hinh
tron.
C. Hinh cau c6 v6 s6 mit phang dbi ximg.
D. Mit cau la mit tron xoay sinh bdi mot dudng tron khi quay quanh mét dudng kinh cia né.

Loi giai

Chon B
Hinh nén c6 cac duong sinh bang nhau nén khi cit bang mot mit phang di qua truc thu duoc
thiét dién 1a tam giac can. Vay A dung.

M(:)’i mait phéng di qua tdm cta mat cau, khéi cau déu 12 mot mat phéng doi xing cua mat cau,
khoi cau do. Vay C ding.

Mit cau la mat tron xoay sinh bdi mot duong tron khi quay quanh mét duong kinh cia no6. Vay
D dung.

Vay chon B.

Cau 32: (THPT Chuyén Bién Hoa-Ha Nam-lin 1 nam 2017-2018) Tinh dién tich toan phan ctia hinh
tru ¢6 ban kinh day a va duong cao a3

A. 27d> (ﬁ—l). B. 7a’\3. C. naz(ﬁﬂ). D. 274’ (ﬁ+1).



Loi giai
Chon D .
Ta c6 dién tich toan phan cua hinh try la:

S, =S8, +28,, =27Rh+27R> = 274’3+ 27’ = 270* (V3 +1)..
Cau 33: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 nam 2017-2018) Trong khong gian cho tam gidc
ABC vudng tai A4, AB=a va AC =a~/3 . Tinh do dai duong sinh / cta hinh nén c6 dugc khi
quay tam giac ABC xung quanh truc AB .
A.l=a. B./=2a. C.1=+3a. D./=+2a.
Loi giai
Chon B

Tam gidc ABC vuongtai 4, AB=a va AC=a~/3 nén BC=2a.

D¢ dai duong sinh / cua hinh nén c6 dugce khi quay tam gidc 4BC xung quanh truc 4B 1a
[=BC=2a.

Cau 34: (THPT Hoang Hoa Tham-Hung Yén-lan 1 nam 2017-2018) Cho hinh 14p phuong
ABCD.A'B'C'D' ¢6 canh bang 2a. Thé tich khéi tru ngoai tiép hinh lap phuong
ABCD.A'B'C'D' bing

3
A. ﬂ; . B. 87a’. C. 4ra’. D. 2rza’.
Loi gidi
Chon C
Hinh try ngoai tiép hinh 1ap phuwong ABCD.A'B'C'D’ ¢c6 chiéu cao / =2a va ban kinh day
R= % —a2.

2 z 7 2
Vay thé tich cta khdi tru ngoai tiép hinh lap phuong la: V = zR’h = ﬁ(a\/E ) 2a=4na’.



Céu 1: (SGD Ba Ria Viing Tau-dé 2 nim 2017-2018) Cho hinh nén ¢6 ban kinh day 1a »=+/3 va do
dai duong sinh / =4. Dién tich xung quanh cta hinh nén da cho la
A. S=24r. B. S=8/3r. C. S=16\3r. D. S=437x.
Loi giai
Chon D
Dién tich xung quanh cta hinh nén S, = 7rl = 4\3x.

Cau 2: (THPT Lé Quy Don-Ha No6i nam 2017-2018) Cho hinh n6n dinh S c6 day 1a duong tron tam
O, ban kinh R . Biét SO = h. D¢ dai dudng sinh cta hinh nén bang
A. NI -R* . B. Vi + R . C.2Jn* -R*. D. 2Jh* +R* .
Loi giai
Chon B
Ta c6 duong sinh [ =+ h*> +R* .
Cau 3: (THPT Ha Huy T4p-Ha Tinh-lan 2 nadm 2017-2018) Cho m{t khéi tru co6 dién tich xung quanh
ctia khéi try bang 807 . Tinh thé tich ciia khdi tru biét khoang cach giira hai day bang 10.
A. 1607 . B. 4007 . C. 40r. D. 64r.
Loi giai
Chon A

Ta co: khoang cach giita hai day bang 10 nén 2=/ =10.
Dién tich xung quanh S, =807 < 271l =807 < r=4.

Vay thé tich cua khdi try bang ¥ = 7.4%.10 = 1607 .

Cau 4: (THPT Kinh Mén-Hai Duwong lan 1 nam 2017-2018) Chi ra khing dinh sai trong cac khing

dinh sau.

A. Khéi lang try cé day c6 dién tich ddy 1a B, duong cao cua lang tru 1a 7, khi d6 thé tich kh6i
lang trula V =Bh.

B. Dién tich xung quanh ctia mat nén cé ban kinh duong tron ddy » va duong sinh / la
S=nrl.

C. Mit cau c6 ban kinh 13 R thi thé tich khdi cau la ¥ = 4zR>.

D. Dién tich toan phan cta hinh tru ¢6 ban kinh dudng tron day » va chiéu cao coa try / Ia
S, =2mr(l+r).

Loi giai
Chon C



Mit ciu c6 ban kinh 1a R thi thé tich khéi cau la ¥ = gﬂR3.

Cau 5: (THPT Chuyén Lam Son-Thanh Héa-lin 2 nam 2017-2018) Cho khdi nén ¢ ban kinh day
=2, chiéu cao 4 =+/3 (hinh v&). Thé tich ctia khdi nén 1a

AT D. 473 :
3 3
Chon D

47z\/§

1 1
Tacd V ==rnr’h =—7Z’.22.\/7 =
3 3 3

CAu 6: (THPT Can Loc-Ha Tinh-Ian 1 nam 2017-2018) Chon ménh dé dang trong cac ménh dé sau:
A. Hinh c6 day 13 hinh binh hanh thi ¢6 mit cdu ngoai tiép.
B. Hinh chép ¢ day 1a hinh thang can thi c6 mit cau ngoai tiép.
C. Hinh chép c6 day 1a hinh thang vudng thi ¢ mat cau ngoai tiép.
D. Hinh chép co day 1a tir giac thi c6 mat cdu ngoai tiép.
Loi giai
Chon B
Trong cac dap an chi co dap an B c6 ddy 1a hinh thang cdn méi ¢ dudng tron ngoai tiép day,
suy ra c6 mit cau ngoai tiép.

Cau 7: (THPT Can Loc-Ha Tinh-lIan 1 nam 2017-2018) M6t hinh nén ¢6 ban kinh mat day béng 3cm,
d6 dai dudng sinh bang 5cm. Tinh thé tich V' cua khdi non duge gidi han boi hinh nén.
A.V=12zrcm’. B.V =16zrcm’. C.V=75rcm’. D.V =45rcm’.

Loi giai
Chon A
Hinh nén ¢6 ban kinh mat day » =3c¢m, d§ dai dudng sinh / = 5¢cmnén d6 dai duong cao

h=4cm.Vay V =%7z.r2.h =%7z.32.4 =127cm’.

Cau 8: (THPT Hong Linh-Ha Tinh-Ian 1 nam 2017-2018) Cho hinh chit nhat ABCD c¢6 AB=a,
AD =2a . Thé tich cua khdi try tao thanh khi quay hinh chit nhat ABCD quanh canh 4B bang
A. 4ra’. B. 7a’. C. 24", D. a.
Loi giai
Chon A
Ap dung cong thirc tinh thé tich khdi tru tron xoay ta c6
V=rr’h= 7r(2ar)2 a=4ra’.
Céu 9: (THPT Lé Quy Don-Hai Phong 1an 1 nam 2017-2018) Khéng dinh nao sau day sai?



A.Goi S, V lanluot 14 dién tich mit ciu va thé tich ciia khdi c6 ban kinh R. Néucoi S, V' 1a
cac ham s ciia bién R thi ¥/ 1a mot nguyén ham ciia S trén khoang (0;+oo).

£ - ) 2 \ 1
B. Khoi nén ¢6 chiéu cao %, ban kinh day R thi c6 theé tich bang §7Z'R2h.

C. Dién tich cia mit cau c6 ban kinh R bang 47R>.

D. Khéi tru ¢6 chiéu cao 4, dudong kinh ddy R thi c6 thé tich bang 7R?h .
Loi giai

Chon D

7TR*h
T

2
Khdi tru c6 chiéu cao /, duong kinh day R thi co thé tich bang ﬂ(?j h=

Ciu 10: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) M6t hinh nén tron xoay c6 dudng cao 4,
ban kinh day » va dudng sinh /. Biéu thirc nao sau day dung dé tinh dién tich xung quanh ciia

hinh non?

A. S, =7l B. S, =2x7rl. C.S, =nrh. D. S, =2zrh.
Loi giai

Chgn A

Dién tich xung quanh cua hinhnénla S, = 7rl.

Céu 11: (THPT Chuyén Thai Binh-lan 4 nim 2017-2018) Cho khdi cau c6 ban kinh R . Thé tich cua
khéi cau d6 1a

A.V =4rR’ B. V:§HR3. C. V:§HR3. D. V:%;sz.

Loi giai
Chon B

- Cong thuc tinh thé tich khdi cau ban kinh R 14 V = %;ﬂf .

Cau 12: (THPT Chuyén Hung Vuwong-Phtt Tho-lan 2 nam 2017-2018) Cho mét hinh try c¢6 chiéu cao
bang 2 va ban kinh day bang 3. Thé tich cua khdi try da cho bang
A. 6r. B. 187. C.15x. D. 9r.
Loi giai
Chon B
V=nRh=r32=18x.
Cau 13: (THPT Lé Xoay-Vinh phtic-lan 1 nam 2017-2018) Dién tich xung quanh cta mat try c6 ban
kinh day R, chiéu cao / la
A. S, =7Rh. B. S, =37Rh. C.S, =4nRh. D. S, =27zRh.
Loi giai
Chon D

Ciu 14: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Mot mét cau c6 dién tich 167 thi ban kinh mat
cau bang



A. 2. B. 4/2. C. 2\2. D. 4.
Loi giai
Chon A
Dién tich mét cau bankinh R 1a S =4nR*=16m = R=2.
Cau 15: (THPT Ding Thiic Hira-Nghé An-lan 1 nim 2017-2018) Hinh tru tron xoay c¢6 d6 dai dudong
sinh bang / va ban kinh day bang r c6 dién tich xung quanh S,, cho boi cong thire
A. S, =2xrl. B. S, =7rl. C.S, =27r’. D. S, =4zxr’,
Loi giai
Chon A
Cau 16: (THPT Chuyén Ha Long-Quang Ninh [an 2 nam 2017-2018) Dién tich xung quanh ctia hinh
tru tron xoay c6 do dai dudng sinh / va ban kinh day r duogc tinh bang cong thirc nao dudi

day?

A. qu :ﬂ'l"l . B. qu = 7Z'}"zl . g. qu = 272'}"[ D. qu :47z'rl .
Loi giai

Chon C

Dién tich xung quanh cua hinh try tron xoay 1a S, =27zrl
Ciu 17: (THPT Chuyén Ha Long-Quing Ninh lan 2 nam 2017-2018) Trong khong gian Oxyz cho
x—=2 y+1 z+3
==
A. N(2;-1;-3). B. P(5-2;-1). C. 0(-1;0;-5). D. M (-2;1;3).

Loi giai

. Biém nao sau ddy khong thudc duong thing d ?

duong thang d :

Chon D
Nhan xét N, P,Q thudc duong thing d .
Toa do diém M khong thudc dudng thang d .

Cau 18: (THPT Chuyén Hung Vwong-Gia Lai-Ian 1 nam 2017-2018) M6t khdi cu cé thé tich bang

327”. Béan kinh R cua khéi ciu do 1a

A.R=2. B. R=32. C. R=4. D. R=——.

Loi giai
Chon A

4

Ta o6 thé tich khdi chu o6 bin kinh R 1a ¥ =3 7R’ = 32z

< R=2.

Cau 19: (THPT Tay Thuy Anh - Thai Binh — Ian 1 - nam 2017 — 2018) Ménh d nao sau day la
sai?
A. TOn tai mdt mit tru tron xoay chira tAt ca cic canh bén ciia mot hinh lap phuong.
B. Ton tai mot mit try tron xoay chtra tat ca cac canh bén ciia mot hinh hop.
C. Ton tai mot mit ndn tron xoay chira tat ca cac canh bén ctia mot hinh chop tur giac déu.
D. Ton tai mot mit cau chia tat ca cac dinh cia mot hinh tir dién déu.
Loi giai
Chon B



Mit tron xoay c6 tinh chat d6i xtng, hinh hop khong c6 tinh d6i xtg. Do d6 khong ton tai mot
mat try tron xoay chira tat ca cic canh bén ctia mot hinh hop.
Cau 20: (THPT Yén Lac — Vinh Phtic — 1an 4 - nam 2017 — 2018) Tinh dién tich xung quanh § cta
hinh try c6 ban kinh bang 3 va chiéu cao bang 4.
A. S=12x. B. S=42r. C. S=36r. D. S=24r.
Loi giai
Chon D
Dién tich xung quanh cua hinh tru S =27zrh=24r.
Cau 21: (THPT Yén Lac — Vinh Phtic - Iin 4 - nam 2017 — 2018) Khéi ling tru c6 dién tich day
bang 24 (sz) , chiéu cao bang 3 (cm) thi c6 thé tich bing
A. 72 (cm’). B. 126 (cm’). C. 24 (cm’). D. 8 (em’).
Loi giai
Chon A
Ap dung cong thirc tinh thé tich khdi ling tru V = Bh =24.3 =72 (cm3) .

Cau 22: (THPT Quang Xwong I — Thanh Héa — nam 2017 — 2018) Cbng thiic tinh thé tich ¥ cua
khéi cau c6 ban kinh bang R 1a
A.V =47R". B.V=§7zR2. Q.V=§HR3. D.V=zR’.
Loi giai
Chon C
Thé tich ¥ cua khdi cau c6 ban kinh bang R 1a V = %ﬂ'R3 .

Ciu 23: (THPT Chuyén Thoai Ngoc Hiu — An Giang - Lan 3 nam 2017 — 2018) Cho khéi nén c6
ban kinh r =+/5 va chiéu cao 4 =3. Tinh thé tich V' cua khéi non.
AV =9745. B. V =375. C.V=n5. D.V=5x.
Loi gidi
Chon D

Thé tich ¥ ctakhdinonla V = %mfzh = %7[5.3 =57,

Cau 24: Cho hinh try c6 chiéu cao /# va ban kinh day R cong thirc thé tich ctia khdi tru d6 1a.

A. 7RK*. B. 7R%A. C. %ﬂ'ha. D. %ﬂ'th.

Céu 25: (THPT Chuyén Ngit - Ha Néi - Lin 1 nam 2017 - 2018) Cho hinh try ¢6 chiéu cao / va ban kinh day
R cong thirc thé tich ctia khdi try d6 1a.

A. 7RI, B. 7Rh. C. %ﬂ'ha. D. %ﬂth.

Loi gii
Chon B
Taco V, =Bh=xR’h.

tru

Cau 26: (THPT Chuyén DHSP — Ha Noi - Lan 1 nam 2017 — 2018) M6t hinh tru c6 chiéu cao bang
6 cm va dién tich day bang 4 cm?. Thé tich cuia khéi tru bang



A. 8(cm’). B. 12(cm’). C. 24(cm’). D. 72(cm’).
Loi giai
Chon C
Ciu 27: (THPT Chuyén DHSP - Ha No6i - Lan 1 nam 2017 — 2018) Cho m6t hinh try ¢6 ban kinh
day bang a va chiéu cao bang 2a. Mot hinh ndn c6 day tring véi mot day cua hinh try va dinh
trung voi tam cua duong tron day thir hai cua hinh try. P dai duong sinh cia hinh nén 1a
A. a5 . B. a. C.a. D. 3a.
Loi giai
Chon A

\\a\/g 2a

A v B
D6 dai duong sinh ciia hinh non 1a / = 0'B =(2a)’ +a* =av/5.

Cau 28: (THPT Kim Lién — Ha N6i - Lan 2 nam 2017 — 2018)Cho hinh try c¢6 dién tich xung quanh

bang 167a* va dd dai duong sinh bang 2a. Tinh ban kinh » ciia duong tron day ciia hinh try

da cho.

A. r=4a. B. r=6a. C.r=4r. D. r=8a.
Loi giai

Chon A

S 2
Py _167a _4g

Theo gia thiét ta c6 qu:27z'rl<:>r:21 ey
T w.la

Cau 29: (THPT Tran Pht — Ha Tinh - Lan 2 nam 2017 — 2018)Dién tich xung quanh ctia hinh nén
ngoai tiép hinh chép tir gidc déu c6 canh day bang a va canh bén bang 4a 1a
A. S=2\2r7a. B. S =4rd>. C. S=-\B3rd’. D. S =274
Loi giai
Chon A

9




Hinh nén c6 duong sinh / =S4 =4a va ban kinh ddy »r = OB = a;/z .

Dién tich xung quanh cua hinhnénla S = 7zrl = 2\27a’ .

Céu 30: (THPT Thuin Thanh 2 - Bic Ninh - Lin 2 niam 2017 — 2018)Cho hinh tru c¢6 dién tich

xung quang bang 87a” va ban kinh day bang « . P9 dai duong sinh ciia hinh try bang

A. 4a. B. 8a. C. 2a. D. 6a.

Loi giai

Chon A
S, _8ma’
2nR  2ma
Céu 31: (THPT Thuin Thanh 2 — Bic Ninh - Lan 2 nam 2017 — 2018)Thé tich khdi nén ¢6 chiéu

cao h, ban kinh duong tron day » 1a

Taco: S, =2nRl = 1= =4a.

A. V=%7Zl”2h. B. V =7xr'h. C. V=§7Zl”2h. D. Vzéﬂrzh.
Loi giai
Chon D

Ciau 32: (THPT Chuyén Lwong Thé Vinh — Dong Nai — Lan 2 ndm 2017 — 2018) Thé tich ¥ ctia
khdi cdu c6 ban kinh R =4 bang

A.V =64r. B.V =48r. C.V=36r. Q.Vz#.
Loi giai

Chon D

Thé tich cua khdi caula V = gﬂ'R3 = gﬂ'.43 = g .

Chu 33: (THPT Chuyén Lwong Thé Vinh — Pong Nai — Lan 2 ndm 2017 — 2018) Cho hinh nén
(N ) c6 duong kinh day bang 4a, duong sinh bang 54 . Tinh dién tich xung quanh S ctia hinh

nén (N)

A. S=10za’. B. S=14ra>. C. S=36ra". D. S=207a’.
Loi gidi

Chon A

5a

Dién tich xung quanh cua hinh nén (N) 1a §S=7rrl =r.2a.5a =107a’.
Chu 34: (THPT Quynh Lwu 1 - Nghé An - Lan 2 nam 2017 — 2018) Cho hinh try c6 dién tich xung

quanh bang 2ma® va ban kinh day bang « . P9 dai duong sinh cua hinh try da cho bang



A. 2a. B.g. C.a D. V2a.
Léi giai
Chon C
S 2
S —oml = l—ow 2,
1 2nr  2ma

Cau 35: (THPT Quynh Lwu 1 - Nghé An - Lan 2 nim 2017 — 2018) Thé tich ctia khdi nén c6 chiéu
cao bang 4 va ban kinh day bang R 1a
A.V=rRh. B. Vz%;rRh. C. V=%27Z'Rh. D. Vz%;szh.
Loi giai
Chon D
Thé tich ctia khdi non c6 chiéu cao bang /# va ban kinh day bang R 1a V = %ﬂ'th .

Cau 36: (SGD Quang Nam — nam 2017 — 2018) Tinh thé tich ¥ ciia khdi nén c6 ban kinh day bang 3
va chiéu cao bang 6.
A. V =108x. B. V =54r. C.V=36x. D.V =18r.
Loi giai
Chon D

Taco V =%7szh =%7z.32.6 =18r.



Cau 1: (SGD Thanh Hoa — nam 2017 — 2018) Mat phéng chira truc ciia mot hinh nén cit hinh nén theo
thiét dién la:
A. mot hinh ch@t nhat.  B. mét tam giac can.  C. mét duong elip. D. mot duong tron.
Loi giai
Chon B

S

Mat phéng chira truc ctia mot hinh nén cit hinh nén theo thiét dién 1a mot tam giac can.

Cau 2: (THPT Chuyén Nguyén Quang Diéu — Pong Thap — Lan 5 nam 2017 - 2018) Goi
R, S, V lan luot 12 ban kinh, dién tich va thé tich ciia khdi cau. Cong thirc nao sau day sai?

A. V=§7rR3. B. S =7R>. C.3V=SR D. S =4zR’.
Loi giai
Chon B

Cong thuc tinh dién tich mat cau la: S =47R>.

Ciu 3: (THPT Chuyén Hung Vwong — Gia Lai — Lan 2 nam 2017 — 2018) MJdt hinh try c6 ban
kinh ddy » =5cm, chiéu cao 4 = 7cm. Tinh dién tich xung quang cta hinh tru.

A. §=35n(cm’). B. S=70n(cm’). C. S :En(cmz). D. S :3—5n(cm2).
3 3
Loi giai
Chon B
Theo cong thue tinh dién tich xung quanh ta ¢6 S, =27rh = 7O7r(cm2) .

Ciu 4: (SGD Ha Tinh - Lan 2 nam 2017 - 2018) Goi r 1a ban kinh duong tron ddy va / 1a do dai
duong sinh cua hinh try. Di¢n tich xung quanh cuta hinh try 1a

A. 277l . B. 7rl. C. 2xrl. D. %ﬂ'}’l .

Huéng din giai
Chon C
Dién tich xung quanh cua hinh try 18 S, =27zrl.

Cau 5: (THPT Chuyén V6 Nguyén Giap — Quang Binh - nim 2017-2018) Thé tich khéi lang tru cé
chiéu cao 4 va dién tich day bang B 1a.

A.V:%Bh. B.V:éBh. C.V:%Bh. D. V =Bh.



Hwéng din giai
Chon D
Cau 6: (SGD Biac Ninh — Lin 2 - nam 2017-2018) Cho hinh tru c¢6 ban kinh day » = 5(cm) va khoang

cach gitra hai day bang 7 (cm) . Dién tich xung quanh cua hinh tru 1a

A. 35n(cm2). B. 707c(cm2). C. 1207[(011”12). D. 60n(cm2).

Loi giai
Chon C
Dién tich xung quanh cta hinh try S, =2nrh =2n5.7=70n (sz) .

Cau 7: Mot hinh nén c6 thiét dién qua truc 1 mot tam giac vudng can c6 canh goc vudng bang . Dién
tich xung quanh cta hinh non bang

2 2 2
na4\/§ B. 27ta3\/§' C nazﬁ. D. a2 .

A.

Cau 8: Hinh try c6 ban kinh day bang a va chiéu cao bing a\/§ . Khi d6 dién tich toan phan cua hinh try bing
A. 27za2(x/§—1). B. ﬂa2(1+\/§). C. 7ra2\/§. D. 27za2(1+x/§).

Cau 9: Mot hinh nén c6 thiét dién qua truc 1 mot tam giac vudng can c6 canh goc vudng bang . Dién
tich xung quanh cta hinh no6n bang

2 2 2
na’\2 2na’~2 na’\2 Ny

A. B. . C. .
4 - 3 2
Loi giai
Chon C
A
Bl E ______________ &
2

Tacél=AB=a, r:%za\zﬁ, quznrlzn.a\z/z.a :nazx/z.

Cau 10: Hinh tru c6 ban kinh day bang a va chiéu cao bang a\/§ . Khi d6 dién tich toan phan cta hinh try bang
A. 27ra2(x/§—1). B. 7ra2(1+x/§). C. ﬂazx/g. D. 27ra2(1+x/§).
Loi giai
Chon D
Ta c6: Dién tich toan phan cua hinh try = Dién tich xung quanh + 2 lan dién tich day.

Suyra S, =27zrh+ 27r* =2za.a\3+2xa® =2r.a’ (\/3 + 1).



CAu 11: Mot hinh tru ¢6 chiéu cao béng 3, chu vi day béng 47 . Tinh thé tich cua khéi tru?

A. 187. B. 10~ C. 12rx. D. 40x .

Cau 12: Cho khdi nén c¢6 dudong cao 4 va ban kinh day ». Tinh thé tich cuia khbi non.
A. 2R 477 B. %mﬂzh. C. el +r° . D. zr’h.

Cau 13: Mot hinh try c6 hai ddy 1a hai hinh tron n6i tiép hai mat ctia mot hinh 1ap phuong canh bang 1.
Tinh thé tich cua khoi tru 6.
AL B. Z. c.Z D. 7.
2 4 3
CAu 14: M6t hinh tru ¢6 chiéu cao béng 3, chu vi day bﬁng 47 . Tinh thé tich cua khéi tru?

A.187r. B. 107. C.12rx. D. 40r.
Loi giai

Chon C

Taco: 2xR=4r < R=2.

Thé tich khéi tru 1a: V = zR*h = 2.2*3 =127 .

Cau 15: Cho khdi non c¢6 dudong cao 4 va ban kinh dy 7. Tinh thé tich cuia khéi non.
A 2B+ B. %ﬁrzh. C. wrh* +r* . D. zr’h.

Loi giai
Chon B

Ta ¢6 thé tich khdinon 1a V = %mﬁzh )

Cau 16: Mot hinh tru ¢6 hai dé}y 1a hai hinh tron noi tiép hai mat ctia mét hinh 1ap phuong canh béng 1.
Tinh thé tich cua khoi tru 6.

AL B. Z. c.Z D. 7.
2 4 3
Loi gidi
Chon B
—

Theo gia thiét ta suy ra hinh try c6 ban kinh day R = % va chiéu cao h=1.

Vay thé tich hinh tru 12: ¥ = 7R = %.



Cau 17: Néu ting ban kinh day ctia mot hinh non 1én 4 14n va giam chiéu cao ctia hinh nén d6 di 8 lan,
thi thé tich khdi non tang hay giam bao nhiéu lan?
A. ting 2 lan. B. ting 16 lan.
C. giam 16 lan. D. giam 2 lan.
Cau 18: Néu ting ban kinh day ctia mot hinh non 1én 4 1an va giam chiéu cao cua hinh nén d6 di 8 lan,
thi thé tich khdi non tang hay giam bao nhiéu 1an?
A. ting 2 lan. B. ting 16 lan. C. giam 16 lan. D. giam 2 lan.
Loi giai
Chon A

Thé tich ban d4u ciia khdi nén 1a ¥, = éﬁth :

Do d6, khi ting ban kinh day ctia hinh nén 1én 4 1dn va giam chiéu cao cua hinh nén d6 di 8
1an thi thé tich cia khdi nén twong Gmg 1a V, = %n(4R)2 % = %n.Z.th =2V,.
Vay thé tich cua khdi non dé tang 2 1an.

Cau 19: Cho hinh tru‘cé dién tich xung quanh bang 3ma® va ban kinh day bang a. Chiéu cao cta hinh
tru da cho bang

A. 3a. B. 2a. C. Ea. D. ga.
2 3

Céu 20: Trong khong gian Oxyz, cho diém A(—1;-3;2) va mit phang(P):x—2y-3z—-4=0, Duong
thang di qua diém 4 va vudng goc véi mit phéng(P) c6 phuong trinh la

x—1_ y-3 z+2

x=1_ y-3 z+2

A. . B.
-1 2 3 1 -2 -3
C. x+1:y—2:z+3' D. x+1:y+3:z—2'
1 -2 -3 1 -2 -3
Cau 21: Cho hinh try c¢6 dién tich xung quanh bang 3ma® va ban kinh day bang a. Chiéu cao ctia hinh
try di cho bang
3 2
A. 3a. B. 2a. C. —a. D. —a.
2 3
Loi giai
Chon C
2
Taco: S, =2nrl = 3na’ :>h:Z:3na :>h=§a.
M 2na 2

Cau 22: Trong khong gian Oxyz, cho diém A(—l; —3;2) va mait phéng(P) :x—2y-3z—4=0, Dudng
thang di qua diém A va vudng goc voi mit phéng(P) c6 phuong trinh la

x=1_ y-3 z+2 x=1_ y-3 z+2

A. . B.
-1 2 3 1 -2 -3
C. x+1:y—2:z+3' D. x+1:y+3:z—2'
1 -2 -3 - 1 -2 -3
Loi giai

Chon D



Puong thiang qua A(—l;—3;2) vudng goc voi mit phang (P):x—-2y-3z-4=0 nén c6 mot
x+1 y+3 z-2

-2 -3
Cau 23: Cho hinh chit nhat ABCD c¢6 AB=4 va AD =3. Thé tich ciia khi try dugc tao thanh khi quay

hinh chit nhat ABCD quanh canh AB bang
A. 487 B. 367. C.12x. D. 24r.

Cau 24: Cho hinh chit nhat ABCD c¢6 AB=4 va AD =3. Thé tich cuia khi tru dugc tao thanh khi quay
hinh chit nhat ABCD quanh canh AB bang

A. 48rx. B. 36rx. C.12x. D. 24r.

vecto chi phuong U= (1;—2;—3) , 0 phuong trinh:

Loi giai
Chon B
Dua vao gia thiét ta c6 khdi tru ¢6 chiéu cao =4 va ban kinh ddy R =3 nén co thé tich:
V=nhR* =743 =36mr.

Cau 25: Cho khéi tru cé d6 dai dwong sinh bang a va ban kinh ddy bang R . Tinh thé tich cla khéi tru d3 cho.

1
A. waR’. B. 27aR*. C. EﬂaRz. D. aR’.
Cau 26: Cho hinh nén cé dé dai dwong sinh bang 2a va chu vi day bang 27a . Tinh dién tich xung quanh S cla
hinh nén.
ra’
A. S=2ra’. B. S=ra’. C.S=ra. D. §= 3

Cau 27: Cho khéi tru cé dd dai duwdng sinh bing a va ban kinh day bang R . Tinh thé tich clia khéi tru d3 cho.

A. maR*. B. 27aR’. C. %ﬂaRz. D. aR’.
Loi giai
Chgn A
— O"
~

Tacod: V = zaR*.

Cau 28: Cho hinh nén cé d6 dai dwong sinh bang 2a va chu vi day bang 27za . Tinh dién tich xung quanh S cla
hinh nén.

A. S=2ra’. B. S=ra". C.S=rna. D. S=

Loi giai
Chon A



Tacd 27R=27ma => R=aqa.

Dién tich xung quanh S ctahinhnonla S =7zRI= 2a°r .

Cau 29: Ban kinh day ctia khdi tru tron xoay c6 thé tich bang ¥ va chiéu cao bang A 1a

A.r= 3—V B.r=‘f3—V. C.r= L D. r= 2—V
7h 27h h h

Cau 30: Cho hinh cht nhat ABCD ¢6 AB=a, AD= a\/g . Tinh dién tich xung quanh cta hinh tron
xoay sinh ra khi quay hinh chit nhat ABCD quanh canh AB.

A. 127a°. B. 127a°+/3. C. 64°/3. D. 27a*3.
Cau 31: Ban kinh day ctia khdi tru tron xoay c6 thé tich bang ¥ va chiéu cao bang 4 1a
A.rz‘[g)—V. B. r= 3—V C.r= L D.r= 2—V
h 27ch h h
Loi giai
Chon A

Tacé:Vzlﬂr2h<:>r2=3—V<:>r= ﬁ
3 h 7h
Céu 32: Cho hinh chit nhat ABCD c¢6 AB=a, AD=a+3. Tinh dién tich xung quanh cua hinh tron

xoay sinh ra khi quay hinh chit nhat ABCD quanh canh AB.

A. 1274, B. 127a°/3. C. 64°/3. D. 27a*+f3.
Loi giai
Chon D
/ A__r N\D
, - I ~

Khi quay hinh chit nhat ABCD quanh canh AB ta thu dugc khdi non c6 cac thong so:
I=h=AB=a, r=AD=a\3



Dién tich xung quanh khéi try 1a S, =2nrl= 2ra*3.

Cau 33: Cho hinh lang tru ditng ABC.A'B'C' c6 ddy ABC la tam gidc vudng tai A. Biét rang AB =3,
AC =4, AA'=5. Tinh thé tich khéi lang tru ABC.A'B'C’ |3
A. 30. B. 60. C. 10. D. 20.

Cau 34: Cho hinh lang tru ditng ABC.A'B'C’' c6 ddy ABC la tam giac vudng tai A. Biét rang AB =3,
AC =4, AA'=5. Tinh thé tich khdi lang tru ABC.A'B'C’ |a
A. 30. B. 60. C. 10. D. 20.
Loi giai
Chon A
Thé tich khéi lang try ABC.A'B'C' 1a V = AA4'.S . = AA’%.AB.AC = 5%.3.4 =30.

Cau 35: Thé tich khbi nén c6 chiéu cao bang %, duong sinh bang / 1a:
A. %mzh. B. %ﬂ(ﬁ—hz)h. C. NP -1 . D. ﬂ(lz—hz)h.

Cau 36: Thé tich khbi nén c6 chiéu cao bang %, duong sinh bang / 1a:
A. %mzh. B. %ﬁ(lz—hz)h. C. 7N =1 . D. z(I =k )h.

Huéng din giai
Chon B
Taco: r=+I*—h>.Vay V:%ﬂﬁh :%:(12 L

Cau 37: Mit cau c6 ban kinh bang 1 thi dién tich bang

A. 4. B. 16m. C. 43—7[ D. 2x.
Cau 38: Mit cau c6 ban kinh bang 1 thi dién tich bang
A. 4m. B. 16m. C. 43—7[ D. 2x.
Loi giai

Chon A
Dién tich mit cau S =4nR> = 4x.

Cau 39: Khéi non co6 ban kinh day bang 2, chiéu cao bang 23 thicé duong sinh bang:

A 2. B. 3. C. 16. D.4.
Cau 40: Khdi non co6 ban kinh day bang 2, chiéu cao bang 243 thicé duong sinh bang:
A 2. B. 3. C. 16. D.4.
Loi giai
Chon D

Tacod =1 + 1 :,/22+(2J§)2 _4.

Cau 41: Cho hinh tru ¢6 ban kinh day bang 2a. Mot mit phang di qua truc ctia hinh try va cét hinh tru
theo thiét dién 1a hinh vudng. Tinh thé tich khéi tru da cho.
A. 187a’ . B. 4ra’. C. 87a’. D. 167a’.



Céu 42: Cho hinh try bén kinh déy » =5 (cm) va khodng cach giita hai déy bang 7(cm). Dién tich xung
quanh cua hinh tru 1a:
A. 357r(cm2). B. 70ﬂ(cm2). C. 12O7z(cm2). D. 607z(cm2).
Cau 43: Cho hinh tru c6 ban kinh day bﬁng 2a. Mot mat phfmg di qua tryc cua hinh tru va cat hinh tru
theo thiét dién 1a hinh vuong. Tinh thé tich khéi try di cho.
A. 187a’ . B. 4rza’. C. 87a’. D. 167a’.
Loi giai
Chon D

Thiét dién qua truc 1a hinh vudng nén 4B = AA'=2R =4a.
Nén thé tich khéi tru: V = Bh=7R*.AA' = 7.4a> 4a =167d’.
Céu 44: Cho hinh try ban kinh ddy 7 =5 (cm) va khodng c4ch gifra hai déy bang 7(cm). Dién tich xung
quanh cua hinh try la:
A. 357r(cm2). B. 707z(cm2) . C. 1207r(cm2) . D. 607z(cm2) .
Loi giai
Chon B
Dién tich xung quanh hinh tru: S, =27zrh=27.5.7 = 707z(cm2) .
Cau 45: Cho hinh nén c6 d6 dai duong sinh bang 2a va chu vi day bang 27a. Tinh dién tich xung
quanh S cua hinh non.

2
a

3

A. S =2mna’. B. S=nad’. C. S=mna. D. §=

Cau 46: Cit khéi tru boi mot mit phéng qua tryc ta duoc thiét dién 1a hinh chit nhat ABCD c6 AB va
CD thudc hai day ctia hinh tru, AB =4a, AC =5a . Tinh thé tich khéi tru.
AV =16na’. B. V=12na’. C.V=bna. D. V =8na’.

Cau 47: Cho hinh nén c6 d6 dai dudng sinh bang 2a va chu vi diy bang 27za. Tinh dién tich xung
quanh S cua hinh non.

2
a

A. S =2mna’. B. S=na’. C. S=mna. D.SzT.
Loi giai

Chon A

Tacd 27R=27ma => R=a.

Di¢n tich xung quanh S, cta hinh nén la: S, =nRl=2a’n.



Cau 48: Cit khdi try boi mot mit phing qua tryc ta duoc thiét dién 13 hinh chit nhat ABCD c6 AB va
CD thudc hai day cta hinh tru, 4B =4a, AC = 5a . Tinh thé tich khéi try.
A. V=16na’. B. V=12na’. C.V=dna. D. V =8na’.
Loi giai
Chon B

Ta co

AB
+ Ban kinh duong tron day la: » = > =2a.

+ Chiéu cao khdi tru: h=AD = AC* —CD? =,/(5a)2 _(4a)2 34,
+ Thé tich khéi try: V =nr’h =1.(2a)*3a =12n4°.

CAu 49: Khéi ciu ban kinh R =2a c¢6 thé tich 1a:

327za’ 8ra’

A ) B. 67a’. C. D. 167a°.
= 3 3
CAau 50: Khéi ciu ban kinh R =2a c6 thé tich 1a:
3 3

A, 327 B. 67a’. .37 D.167a".

3 3

Loi giai

Chon A

3
Ta c¢6 thé tich khdi caula S = %ﬂ.R3 Zgﬂ'.&l} = 32;ra .

Cau 51: Tinh thé tich ¥ cua khdi non co dién tich hinh tron day 1a S va chiéu cao 1a 4.

A V=2 B. V=1sm. C.V=5h. D.v=Lsn.
3 3 3
Céu 52: Tinh thé tich ¥ cua khdi non c6 dién tich hinh tron day 1a S va chiéu cao 1a 4.
Av=2sn. B. V=L 5K, C.V=5h. D.V=1sh.
3 3 - 3
Loi giai
Chon D

Cau 53: Cho mét hinh try c6 ban kinh ddy bang R va co chiéu cao bang R+/3. Dién tich xung quanh va
dién tich toan phﬁn cua hinh tru 1an lugt co giatrila

A. 2(\/5 +1);sz va 237R2. B. 237R* va 2(\/5 +1);sz.

C. 2\37R> va 27R>. D. 2\/37R* va 2\37R> + R>.



Céu 54: Cho mot hinh try c6 ban kinh ddy bang R va c6 chiéu cao bang R3. Dién tich xung quanh va
dién tich toan phﬁn cta hinh tru 1an luot c6 gia trila

A. 2(\6 +1)7ZR2 va 237R?. B. 24/37R? va 2(\6 +1)7sz.

C. 2\37R* va 2zR’. D. 2\37R* va 237R* + R*.
Loi giai

Chon B

Dién tich xung quanh cua hinh try: S, = 27RR3 =237R? (dvdt).
Dién tich toan phn cta hinh tru: S, = 5, +2.8,,, = 2V37R" +2(7R*) =2(v3+1) 7R’ (dvdt).

Cau 55: Khi quay mot hinh chit nhat va cic diém trong ctia né quanh truc 1a mot duong trung binh cta
hinh chir nhat do, ta nhan dugc hinh gi.
A. Khdi chop. B. Khéi non. C. Khbi cau. D. Khéi tru.

Cau 56: Khi quay mot hinh chit nhat va cic diém trong ctia né quanh truc 1a mot duong trung binh cta
hinh chir nhat do, ta nhan dugc hinh gi.
A. Khdi chop. B. Khéi non. C. Khbi cau. D. Khdi try.

Huéng din giai

Chon D
Cau 57: Dién tich xung quanh cta hinh tru cé ban kinh ddy R =2 va duwdng sinh / =3 bang:
A 12r. B. 6. C. 4r. D. 24r.

Cau 58: Dién tich xung quanh cta hinh try cé ban kinh ddy R =2 va dudng sinh [ =3 bang:
A 12x. B. 6. C.4r. D. 24r.
Loi giai
Chon A
Tacd S, =27RI=2723=127.

Céu 59: Cho hinh tru (T') c6 chiéu cao bang 5 va dién tich xung quanh bang 307 . Thé tich khdi tru (7')

bang
A. 30r. B. 75x. C. 15x. D. 45x.

Céu 60: Cho hinh tru (T') c6 chiéu cao bang 5 va dién tich xung quanh bang 307 . Thé tich khéi tru (7')

bang

A. 30r. B. 757x. C.15x. D. 45x.
Loi giai

Chon D

Tacod S, =27rl =30z nén r=3.Tudosuyra V =zr’h=457 .

Cau 61: Cho khdi cau co thé tich ¥ =4za” ( a>0). Tinh theo @ ban kinh R cia khéi cau.

A. R=ai3. B. R=ai2. C. R=di4. D. R=a.
Cau 62: Cho khdi cau co thé tich ¥ =4za® ( a>0). Tinh theo @ ban kinh R cia khoi cau.
A. R=ai3. B. R=al?2. C. R=ai/4. D. R=a.

Loi giai

Chon A



Thé tich khéi ciu V = 4nd’ =§1rR3 SR =33 <>R=dif3.

Céu 63: Cho hinh non c6 dién tich xung quanh la S, va ban kinh day la r. Cong thirc nao dudi day

dung dé tinh duong sinh / ctia hinh nén da cho.

S, AN S,
A l=—". B./=—%. C.[=2nS r. D./=—.
2nr ' s

Céu 64: Cho hinh non c6 dién tich xung quanh la S, va ban kinh day la r. Cong thirc nao dudi day

dung dé tinh duong sinh / cta hinh noén di cho.

S, AN S,
A l=—". B./=—%. C.[=2nS r. D./=—.
2nr v s

Loi giai
Chon D

xq

Taco S, =mwl <=
nr

Cau 65: Thé tich ¥ ctia khdi tru c6 ban kinh day R va do dai duong sinh / dugc tinh theo cong thirc nao

dudi day?
1 2 4 2 4 3 2
A.V==Rl. B. V=—xzRl. C.V==nR1. D. V=7R"I.
3 3 3
Cau 66: Thé tich ¥/ ctia khdi tru c6 ban kinh day R va do dai duong sinh / dugc tinh theo cong thirc nao
dudi day?
1 4 oo 4 s 2
A.V=§Rl. B.V=§7ZRZ. C.V=§7ZRI. D.V =xzR"I.
Loi gidi
Chon D
Cau 67: Dién tich xung quanh cua hinh tru ¢6 ban kinh day R =3 va duong sinh / =6 bang
A. 54r. B. 18x. C. 108x. D. 36rx.
Ciau 68: Dién tich xung quanh cua hinh try ¢6 ban kinh ddy R =3 va duong sinh / =6 bang
A. 54r. B. 187. C. 108x. D. 36rx.
Loi giai
Chon D

Tacé: S, =27zrl=27.3.6=367.

Cau 69: Tinh thé tich ctia khdi non tron xoay co chiéu cao bang 6 va duong kinh dudng tron day bang

16.
A. 144r. B. 160 . C. 1287x. D. 1207 .
Cau 70: Tinh thé tich ctia khdi non tron xoay c6 chiéu cao bang 6 va duong kinh dudng tron day bang
16.
A. 144r. B. 160 . C. 1287x. D. 1207 .

Loi giai
Chon C



(%)

Bén kinh day R=%=8

Thé tich khdinon V = %ﬂRQh =128r.

Cau 71: Cong thirc tinh thé tich khdi cau ban kinh R 1a

AV =47R’. B. V=§7rR3. C. V=%7rR3.
Cau 72: Cong thuc tinh thé tich khdi cdu ban kinh R 1a
A.V =4zR’. B. V=§7rR3. C. V=§7rR3.

Loi giai
Chon B

D.V =zR’.

D.V=zxR".

Cau 73: Mot hinh non tron xoay c6 do dai duong cao 1a 4 va ban kinh duong tron day 1a ». Thé tich

khoi non tron xoay dugc gidi han bdi hinh ndn do 1a

A.V:%;zrzh. B. V = zr'h. C.V:%ﬂrh.

D. Vzgmfh.

Cau 74: Mot hinh nén tron xoay c6 d6 dai duong cao 1a % va ban kinh duong tron day 1a ». Thé tich

khdi nén tron xoay dugc gidi han boi hinh nén dé 1a

A. V:%;erh. B.V =nr’h. C. V:%m’h.
Loi gidi

Chon A

Cong thirc thé tich khoi non.

D. Vz%ﬂrh.



Cau 1: (THTT S6 1-484 thang 10 nim 2017-2018) Cho hinh 1ap phuong c6 canh bang 40 cm va mot
hinh try c¢6 hai day 1a hai hinh tron ni tiép hai mt dbi dién cta hinh lap phuong. Goi S,, S,
lan luot 1a dién tich toan phan cta hinh lap phuong va dién tich toan phan cia hinh try. Tinh

S=5+S, (em?).
A. S=4(2400+7). B.S=2400(4+7). C.S=2400(4+37). D. S=4(2400+37).

Loi giai
Chon B
D' CV
I 9 |
A/ !
TR
B
[ I |
(I I |
o
i? iy ‘—‘”—i“j:‘:‘i‘:\“ 7C
//(\\i”’,’ko L
A B

Ta co: S, =6.40> =9600.

Ban kinh dudng tron ndi tiép hai mat ddi dién ctia hinh 1ap phuong 1a: » =20 cm ; hinh tru cé
duong sinh 2 =40 cm

Dién tich toan phﬁn cua hinh try 1a: S, = 2.72.20* +27.20.40 = 24007 .

Vay: §=§,+8 2=96OO+24OO;Z=24OO(4+7[).

Cau 2: (THTT S6 1-484 thang 10 nam 2017-2018) Cho tam gidc S4B

vudng tai 4, ABS =60°, duong phan giac trong cia ABS cét
SA tai diém I . V& nira dudng tron tim / ban kinh 74 ( nhu hinh
v€). Cho ASAB va ntra dudng tron trén cung quay quanh SA4 tao
nén cac khéi cau va khdi nén c6 thé tich twong g V. Khing

dinh nao dudi day ding?

A. 4V, =9V, B. 9V =4V,
C.V, =3V, D. 2V, =3V,
Loi giai
Chon B
1A = xtan30°
bat AB=x = .
SA = xtan 60°

Khéi cau: V, zgﬂR3 zgﬂlf zgﬂ(xtan30°)3.

Khoi nén 7, = %ﬂABzSA = %ﬂxz.(xtan 60°).

.V, 4
Vay 7’25 hay 9V, =4V,.

2



Cau 3: (THPT Chuyén Thai Binh-lin 1-nim 2017-2018) Cho lang tru tam giac déu cé canh day bang
a canh bén bang b . Tinh thé tich ctia khéi cau di qua cac dinh cua ling try.

A.l\/, (42 +3b2) B'l\f (4a° +3b2)
2 2
C'lg\f (42 +b) D.lgf (4a° +3b)
Loi giai
Chon B
A’ C’
],' M/

[
Q

oo

Goi 1,1' 1an lugt 12 tAm hai day, O latrung diém cua II'. Khi d6 ta cd O 1a tAm mat cau ngoai
tiép lang tru.

a3

Tacd: Al =——,10 = b suy ra ban kinh mit cau ngoai tiép ling tru I3
a b 1

R=,|—+—=—=+4a" +3b’
3.4 283

Vay Vipp = 4 7rR3 (4a +3b2)

1f

Ciu 4: (THPT Chuyén Thai Binh-lan 1-nam 2017-2018) Cho hinh try c6 thiét dién qua truc la hinh
vudng ABCD canh bing 2+/3 (cm) véi AB la dudng kinh cia duong tron day tim O. Goi

M 1a diém thudc cung 4B cia duong tron day sao cho ABM = 60° . Thé tich ciia khéi t dién

ACDM 1la:

A. V=3(cm3). B. V=4(cm3). C. V=6(cm3). D. V=7(cm3).
Loi gidi

Chgn A

Ta c6: AMAB vudng tai M co l§=60° nén MB=\/§; MA=3.



MBMA 3

Goi H 1a hinh chiéu ctia M 1én AB, suyra MH 1 (ACD) va MH = STRREY

A 1 13
V&Y Vigaco =3 MH.S e =56 =3(cm’).
Cau 5: (THPT Chuyén Thai Binh-lin 1-nim 2017-2018) Cho hinh nén tron xoay cé chiéu cao
h=20(cm), ban kinh ddy r=25(cm). Mot thiét dién di qua dinh cua hinh nén c6 khoang

cach tir tim ddy dén mit phang chira thiét dién 1a 12(cm). Tinh dién tich cua thiét dién do.

A. §=500(cm’). B. §=400(cm’*).  C. §=300(cm’). D. S =406(cm’).
Loi giai
Chgn A
S

Theo bairatacd AO=r =25, SO=h=20; OK =12 (Hinh v&).

1 1
oK oF + o5 = Ol =15(cm)

AB =241 =+25* ~15> =40(cm); ST =y/SO* + OI* =25(cm) = S, :%.25.40:500(cm2).

Lai co

(THPT Lé Hong Phong-Nam Dinh-Ian 1-nim 2017-2018) Cho hinh try c6 hai day Ia hai hinh tron (O)
va (0'), chiéu cao R+/3 va ban kinh day
R . M6t hinh nén ¢6 dinh 1a O" va day la hinh tron (O; R) . Ty s6 dién tich xung quanh cua
hinh try va hinh nén bang
A. 3. B. 2. C.2. D. 3.
Huéng dan giai
Chon D

|

~
s

)
e
bl
o P
bl
rd
g

S
-,

-

g

Ta c6 dién tich xung quanh cta hinh tru 1a S, =2nRA = 2nR.R3 = 2nR/3.

2
Dién tich xung quanh ctia hinh nén 1a S, = R/ = nR. (R\/g) +R*> =2nR*.



S, 2nR*3 _A

Ty sb dién tich xung quanh ctia hinh try va hinh nén bang —- = —
S, 27R

Cau 6: (THPT Lé Hong Phong-Nam Dinh-lan 1-nam 2017-2018) Trong cac ménh dé sau, ménh dé
nao sai?
A. Bat ki mot hinh hop nio ciing 6 mot mit cau ngoai tiép.
B. Bit ki mot hinh ttr dién nao ciing c6 mot mit cau ngoai tlep

C. Bat ki mét hinh chop déu nao ciing c6 mot mét cau ngoai tiép.
D. Bt ki mot hinh hop chir nhét nao cling c6 mot mit cau ngoai tiép.

Loi giai
Chon A
biéu kién can d€ mot hinh hdp c6 mot méat cau ngoai ti€p la day cua hinh hop la da giac ndi
tiep.

Cau 7: (THPT Lé Hong Phong-Nam Dinh-lan 1-nam 2017-2018) Cho hinh thang ABCD vubng tai 4

va B v6i AB=BC :% =a . Quay hinh thang va mién trong clia né quanh dwdng thang

chtva canh BC. Tinh thé tich V' clia khéi tron xoay dwoc tao thanh

3 3 3
A.V:47m . B.V:57m . C.V=rxada. Tza .

I

Loi giai

Chon B

Goi ¥;1a thé tich khdi non c6 dudmg sinh 13 CD , ban kinh R= 4B=a , chiéucao h=a
1 1 ’
Vi==—aR’h=—-ra’a =L
3 3 3
Goi V, la thé tich khéi try c6 duong sinh 1a AD =2a , ban kinh R = AB = a, chiéu cao
h'=2a.
V,=aR’h =ra’2a=2an .
3 3
Thé tich 7 ciia khéi tron xoay dugc tao thanh 1a : V =V, -V, =2a’x —% = 5a37z

Cau 8: (THPT Xuan Hoa-Vinh Phiic-nim 2017-2018) Cho hinh t& dién 4BCD ¢6 M, N lan luot la
trung diém cua AB, BD. Céac diém G, H lan luot trén canh AC, CD sao cho NH cit MG
tai 7 . Khang dinh nao sau day la khang dinh dting?

A. 4, C, I thang hang B. B, C, I thang hang.
C. N, G, H thang hang. D. B, G, H thing hang.
Loi giai

Chon B



Do NH cit MG tai I nén bén diém M,N,H,G cing thudc mit phing (). Xét ba mat
(a)N(4BC)=MG

phiang (4BC), (BCD), () phan biét, dong thoi {(a)N(BCD)=NH  ma MGNNH =1
(ABC)n(BCD)=BC

Suyra MG, NH, BC dong quy tai / nén B, C, I thang hang.

Cau 9: (THPT Chuyén DH Vinh-GK1-nam 2017-2018) Khdi cau c6 ban kinh R =6 co thé tich bang
bao nhiéu?
A. 27 B. 487. C. 288r. D. 1447 .
Huéng dan giai
Chon C

Ta c6 thé tich khdi cau V = gnzﬁ =288r

Cau 10: (THTT S6 2-485 thang 11-nam hoc 2017-2018) Hinh ndn cé thiét dién qua truc la tam giac déu

va cé thé tich IV :?na? Dién tich xung quanh S cda hinh nén do la

A. Szlfraz. B. S=4ra’. C. S=2na". D. ! <x<2018
2 2018
Loi giai
Vi thiét dién 1a tam gidc déunén [ =2r va h=r/3
NG 1 V3

Ta co V:Tmf <:>—7rr2h=77ra3<:>r=a =1[1=2a

Vay S =zrl =2rna’.

Cau 11: [2H2- 4] (THTT S6 2-485 thang 11-nam hoc 2017-2018) C6 tAm bia hinh tam giac vuéng
canl cé canh huyénl bangl .Ngw&i ta mudn cat tdm bia d6 thanh hinh chir nhatl réi
cudn lai thanh mét hinh tru khéng day nhw hinh vé.

00
Dién tich hinh chir nhat d6 bang bao nhiéu dé dién tich xung quanh cta hinh tru 1a I&n nhat?
Al B.0 C.1 D.I

L&i giai



ChonD

00

Dol vuéngcantaill vacé canhhuyénl ,suyral

Goil latrung diéml thil

batl [ [

Tacol 1

Goil la ban kinh cta hinh tru

Ta c6 chu vi ctia day hinh tru lal [ va dwéng sinh cta hinh tru lall .
Dién tich xung quanh ctia hinh tru lal l [

Dang thirc xay ra khi [ .Khi dé dién tich caa hinh chir nhatl la
I

Cau 12: (Treuong BDVH218LTT-khoa 1-nam 2017-2018) Cho mét khdi non ¢6 chiéu cao bﬁng 4 cm,
d6 dai duong sinh 5 cm. Tinh thé tich khdi non nay.
A. 157 cm’. B. 127 cm’. C. 367 cm’. D. 457 cm’.

Loi giai

Chon B

Theo gia thiétta co: h=SO =4 cm, /=SB =5 cm = R =3 cm.

Vay thé tich khdi nén can timla: v, = %h.ﬁR2 =127 cm’.

Céu 13: (Trwong BDVH218LTT-khoa 1-nam 2017-2018) Cho hinh 18p phuwong ABCD.A'B'C'D’ canh
bang 3a . Quay dudng tron ngoai tiép tam giac A'BD quanh mot duong kinh ctia dudng tron ta
¢4 mdt mit cau, tinh dién tich mit cau do.

A. 27ra’. B. 247a”. C. 257a’. D. 21za’.
Loi giai
Chon B



BV

. ,..‘.‘ CV

Tam giac A'BD la tam giac déu, canh bang 3a4/2.
Quay dudng tron ngoai tiép tam gidc 4'BD quanh mot duong kinh ciia duong tron, ta dugc

mit cau ¢ ban kinh bang: ?.30\/5 =a /6 .

Dién tich mat cau dugc tao ra: S = 47R* = 4r7.6a> =24rxa>.

Cau 14: (Treong BDVH218LTT-khoa 1-nam 2017-2018) Mot hinh nén c¢6 duong sinh bang a va goc &
dinh bang 90°. Cét hinh nén bing mét mip phing («) sao cho géc gitta (@) va mit day hinh
nén bang 60°. Khi d6 dién tich thiét dién 1a

A. ﬁaz . B. iaz. C. ﬁaz. D. Zaz.
3 2 2 3
Loi giai
Chgn A

A
Goi S 1a dinh hinh nén, O 1a tim dudng tron day; I 1a trung diém 4B , Goc tao boi mp thiét

dién va day 1 géc SIO .

+ Trong tam giac vuoéng SOA4 c6 O4=0S = a 22 :
+ Trong tam giac vudng SOI c6 SI = 'SO = a2 -0l = SO _ a6 ;
sin60° /3 tan 60° 6

a

NG

Al =NOA* -0’ =—; AB=

b



Cau 15: (Treong BDVH218LTT-khoa 1-nam 2017-2018) Cho mdt khéi tru c6 d6 dai dudng sinh bang
10 cm . Biét thé tich khéi tru bang 907 ¢cm®. Tinh dién tich xung quanh ctia khdi tru.
A. 81z cm”. B. 607 cm”. C. 787 cm’. D. 367 cm’.
Loi giai
Chon B
Taco: h=/=10cm.
V=907 <zr’h=90r <r’=9<r=3cm
Vay S, =2zrl =607 cm’.

Céu 16: (Trwong BDVH218LTT-khoa 1-nam 2017-2018) Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6
canh bang a . Mot hinh non c6 dinh 1 tim hinh vuéng A'B'C'D’ va c6 dudng tron day ngoai
tiép hinh vuong ABCD . Goi S 1a dién tich xung quanh ctia hinh nén d6. Tinh S .

\/3 2 \/5 2 C.S:7r?a2 D.SZﬂ'%dz.

A.S=r—a B. S=7—a
3 2

Loi giai

Chon C

2
Tamr:ﬂ:&,h=00'=AA’=a,Z=\/h2+r2: i@ _alo
2 2 Vet =
a2 a6 NE) 5
=7T—aqa .

S=zxrl=r. .
2 2 2

Cau 17: (Trwong BDVH218LTT-khoa 1-nam 2017-2018) Cho hinh choép S.4ABCD c6 day 1a hinh chir
nhét, S4 vuong goc voi day, SA=a, AD =5a, AB =2a. Piém E thudc canh BC sao cho
CE = a . Tinh theo a ban kinh mit ciu ngoai tiép t dién SAED .

Al \/%a . B. \/%a . C \/%a . D. 2\/%a‘
4 3 2 3
Loi giai

Chon C



Taco AE® = AB* + BE* = 4a* +(4a)’ =20a*, DE* = DC? + CE? = 4a* +a* = 5d°.
Do d6 AE* + DE* = AD* =254, suy ra tam giac AED suy ra tam gidc AED vudng &
E.Suyra ED 1 (SAE)=> ED L SE . Vay Ava E déunhin SD duéi mot géc vudng. Do d6

SD 1 J26

mit cau ngoai tiép tir dién SAED c6 bankinhla R = =3 SA* + AD* = aT

Cau 18: (THPT Chuyén Vinh Phiic-lan 2-nam 2017-2018) Cho mat cau (S,) c6 ban kinh R, mat cau
(S,) cobankinh R, =2R,. Tinh ti s6 dién tich clia mat cau (S, ) va (S,).

A. 2. B. 4. C.%. D. 3.
Loi giai
Chon B
S, =47R’; S, =47rR22 =1671R12.
o Ss
Viy —=4.

Sy
Cau 19: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho t& dién déu SABC canh a. Dién tich
xung quanh ctia hinh nén dinh S va duwéng tron day 1a duwdng tron ngoai tiép tam giac ABC
la

A. ﬁﬁaz. B. 7a*. C. \/372’612. D. 2x/§7ra2.

Loi gidi
Chon A

o




3

S =narl=nrSA=——a
xq 3

Cau 20: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho hinh chép S.4BC c¢6 tam giac ABC
vuong tai B, SA vudng goc v&i mat phang (4BC). SA=5, AB=3, BC =4. Tinh ban kinh
R cla mat cau ngoai tiép hinh chop S.4BC.

52 8. r= V2 53 5V3

A R . . .
2 3 3 2

Loi giai

Chon C

Taco BC L SA va BC L. AB nén BC L (SAB) = BC 1 SB. Vay hai diém 4, B cung nhin canh SC

dudi mot goc vudng. Pidu d6 chimg to SC 1a dudong kinh cia mat cau ngoai tiép hinh chop S.4BC . Do
d6 ban kinh

R=2C Y spiac - Lsevap o = L5 3 44 2
2 2 2 2 2
Cau 21: (THPT Tam Phwdc-Dong Nai-lan 1-nam 2017-2018) Cho hinh nén tron xoay c6 dwdng
cao la a3, dwdng kinh day la 2a. Tim dién tich xung quanh cua hinh nén da cho.

A. 2\37a’. B. 27d*. C. za’. D. 437ad’.
Loi giai
Chon B



Theo gia thiét ta co: h=S0 = a3, R:A—zB:a —1=SB=2a.

Vay dién tich xung quanh hinh nén can tim la: S, =7Rl = 2ra’

Cau 22: (THPT Héau Loc 2-Thanh Héa-an 1-nim 2017-2018) M6t hinh tru c6 ban kinh day la 2(cm).

M6t mat phéng di qua truc ctia hinh try, cat hinh tru theo thiét dién la mét hinh vudng. Tinh thé
tich khoi tru dé.

A. 47r(cm3). B. 8ﬂ(cm3). C. 1672'(01’1’13). D. 327r(cm3).
Loi giai
Chon C
4 Q B
|
|
|
- - ~
- | N
4 — — — = J3C

D — — — —
k_o_’/

Gia sit ABCD 14 thiét dién qua truc ctia hinh tru (hinh v&). Theo gia thiét ABCD 1a hinh vuong
nén chiéu cao cta hinh tru 4= 00" =2r = 4(cm).

Vay thé tich khéi tru V = zr*h = 7.2 4 = 1677((:m3 )
Ciu 23: (THPT Chuyén Lam-Thanh Hoéa-lan 1-nim 2017-2018) Tinh thé tich V' ctia khdi nén c6 ddy

1a hinh tron ban kinh bang 2, dién tich xung quanh ctia nén 13 127 .

A.V:16“3E”. B.V:16“9E”. C.V=162x. D. V:4\/3§7r

Loi giai



C_ I
0]

Chon A
Hinh no6n c¢6 duong sinh /, ban kinh day » va duong cao 4.
Ta c6 dién tich xung cuanon S, =71l =127 < 1=6=54.

Tam giéc vudng SAO c¢6 SO =~SA>—04*> =42 =h.

Thé tich khdi non ¥ = %h.ﬂ' = 16v27 .

3

Ciu 24: (THPT Chuyén Lam-Thanh Héa-lan 1-ndm 2017-2018) Cat mot khdi tru cho trude thanh hai
phan thi dugc hai khdi tru méi ¢6 tong dién tich toan phan nhidu hon dién tich toan phan cua
khéi tru ban dau 327 dm?. Biét chiéu cao cua khdi tru ban diu 1a 7 dm, tinh téng dién tich

toan phan S cua hai khoi try moi.

A.S=12O7r(dm2). B.S=1447r(dm2). C.S:2887z(dm2). D.S=2567r(dm2).
Loi giai
Chon A

1
1
-
1

L e e e -

Goi r, h lan luot 1a ban kinh day va chiéu cao khdi tru ban dau (T )
hy,h, 1an luot 1a chiéu cao cua hai khoi tru méi (T;), (T3).

Dién tich toan phan khéi try (T') 1a: S =27rh+27r°.

Dién tich toan phan khéi tru (7}) 1a: S, =27rh + 277",

Dién tich toan phan khéi tru (7,) 1a: S, = 27rh, + 2717,

= 8,+S, =27r(h+h)+4zr’.

Theo dé bai tacé: S, +S,-S =327

St =32r o r=4



Vay S, +8, =2zrh+4zxr’ =27.4.7+47.16 =1207 (dm’).

Céu 25: (THPT C6 Loa-Ha Ngi-lan 1-nawm-2018) Cho hinh try (7') dugc sinh ra khi quay hinh chir
nhat ABCD quanh canh AB. Biét AC = 2\3a va goc ACB = 45°. Dién tich toan phan S,
cua hinh try (7)) 1a

A. 127a*. B. 87a’. C. 24ra*. D. 167a°.

Loi giai
Chon C

45°

Zmﬁ

Theo dé bai suy ra 4BCD 14 hinh vudéng va 4B = A€ _ J6.

——==a
V2
Hinh tru sinh ra ¢6 ban kinh » = 4D = a\/g va d6 dai duong sinh / =CD = a\/g .
N 2 2
Viy dién tich toan phan cua hinh try 13 S, =S, +2S, = 27r(a\/g) + 27[(61\/6) =24rxa’.

Cau 26: (THPT C6 Loa-Ha Néi-Ian 1-nawm-2018) Thé tich ctia kh6i nén co6 do dai duong sinh bang
2a va dién tich xung quanh bang 27za4” 14

N o ra o 73 ra'\3

. . D.

3 ) 6 2
Loi giai
Chon B
Goi R,1,h 1an lwot |a ban kinh day, dd dai dwong sinh, chiéu cao clia hinh nén.
2 2
qu :2”‘12 <:>7Z-RZ:27[02 <:>Rl=2a2 <:>R22? :22a =
a

hzx/lz—R2 =\/4c12—a2 za\/g.
V:%ﬂth @V:%ﬂaza\/_zgﬂas.

Cau 27: (THPT Chuyén Lé Hong Phong-Nam Dinh-1an 2 nim 2017-2018) C&t mét hinh tru béi mét

mat phang qua truc cla noé, ta dwoc thiét dién 1a mét hinh vudng cé canh bang 3a . Tinh dién
tich toan phan cta hinh try da cho.

2 2 2
A 947 . B. 74 c. Bra” p, 2174
2 6 = 2

Loi giai
ChonD



Do mét phang cat hinh tru di qua truc ctia né nén ta co:

BPuwong sinh [ =3a va ban kinh day r =37a.

277a’

Vay dién tich toan phan cda hinh try: S, =27r(r+1)=

Cau 28: (THPT Chuyén Lé Hong Phong-Nam Dinh-1an 2 nam 2017-2018) Cho tam giac ABC vudng
tai 4, AB=6cm, AC =8cm. Goi V, la thé tich khéi non tao thanh khi quay tam giac ABC
quanh canh 4B va V, la thé tich khdi nén tao thanh khi quay tam giac 4BC quanh canh
AC . Khi d6, ty sb 9 bang:

2

ALl B.2. c.2. D. .
9 3 4 16
Loi giai
Chon B

Khi quay tam giac 4BC quanh canh AB ta co:
h=AB, r=AC =V, :%ﬂ.rQ.h :%n.séé =1287(cm’).
Khi quay tam giac 4BC quanh canh AC ta co:
h=AC, r=AB =V, =%7r.r2.h =§7z.62.8 =967 (em’).

vag o128 _4

YV, T 96 3
Cau 29: (SGD Vinh Phac-KSCL ldn 1 nam 2017-2018) Cho mat cau S(O;R) va diém 4 cb dinh nam
ngoai mat cau voi O4=d . Qua A4 ké duong thang A tiép xuc véi mat cau S(O;R) tai M .

Cong thirc ndo sau day dwoc dung dé tinh do dai doan thang AM ?

A N2R -d* . B. VR>-2d”. C.JR +d*. D. JVd’-R*.

Loi giai

Chon D

Vi A tiép xtic véi mat cau S(O;R) tai M nén A tiép xuc véi mot dudng tron 16n clia mat cau

S(O;R) tai M. Do d6 AOMA vudng tai M , suy ra AM =\JOA> —OM* =~Jd*> - R* .

Ciu 30: (THPT Lé Vin Thinh-Bic Ninh-Iin 1 nim 2017-2018) Trong khong gian, cho hinh chit nhat
ABCD ¢6 AB=1va AD=2.Goi M, N lan luot I3 trung diém ctia AD va BC. Quay hinh



chit nhat d6 xung quanh truc MN , ta dugc mot hinh try. Tinh dién tich toan phﬁn S, cua hinh

tru do.

A. Stpz%r. B. S, =4r. C.§, =6x. D. S, =37.
Loi giai:

Chon B

Tacd S, =27zrl=271.1=2x
S,=2xr'=21.1=2x
Suyra S, =S +S,=27+2r=4r.

Cau 31: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) Chon ménh dé dang trong cac ménh dé sau:

A. Mot hinh chop bét ki uon cé duy nhat mot mit cau ngoai tiép.

B. Cho 2 canh cua mot tam gidc vudng quay quanh canh con lai thi ta dugc mot hinh non tron
xoay.

C. Cho duong thang [ cit A va quay quanh A thi ta dwoc mot mat nén tron xoay.

D. Cho dudng thing / song song v4i A va quay quanh A thi ta dwoc mot mat try tron xoay.

Loi giai

Chon B

»>MGot hinh chép bat ki chua chic ton tai mot mit cau ngoai tiép chang han hinh chop tir gidc co

day 1a hinh binh hanh nén phuong &n A sai.

>Hai duong thang L, A nam trong mdt mit phang va quay mit phang chita ca hai duong

thang d6 quanh mot dudng thang con lai mai tao ra mot mat tron xoay nén phuong an C, D sai.

Cau 32: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) Cho ling try tam giac ABC.A'B'C" cb thé
tich 1a 7 . Tinh thé tich khdi chép A.BCC'B’ theo V.

A.EV. B. %V. C.lV. D.lV.
3 5 2 3
Loi giai:

Chgn A




1 1
Ta co VA‘AVBVCV = gSh = EV

v _r_ar

AABC =
3 3

Suyra V, secw =Vipcwsc =
Cau 33: (THPT Triéu Son 3-Thanh Héa niam 2017-2018) Cho hinh tru c¢6 thiét dién di qua truc 1a mot
hinh vuong c6 canh 4a. Dién tich xung quanh cua hinh tru la:
A. S=8ra’. B. S=24ra". C. S=16ra’. D. S=4ra’.
Loi giai
Chon C

- | ~
X [=4a
Theodétacdo h=I[1=2r=4a < .
r=2a

Vay dién tich xung quanh ctia try 13 S =277l =27.2a.4a =167a>.

Cau 34: (THPT Triéu Son 3-Thanh Hoéa nam 2017-2018) Cho hinh nén c¢6 duong sinh bang duong
kinh day va bang 2. Ban kinh ctia mit cau ngoai tiép hinh nén d6 1a:
3V3 23 3

3
A, R=2Y2 B. R C. R=2. D. R=23.
2 = 3 3

Loi giai

Chon B
Goi cac diém nhu hinh vé& bén.

Trong d6 H 1a tAm dudng tron day (C) suyra SH L(C), va HA=1.
Piém / 1a tim mat cau ngoai tiép hinh non (N )
Trong tam giac vudng [HA tacé IH =~ R* —1.
3-R>0
Khi d6: SH =SI+1H =R+JR*~1=+3 < V3 @R:&.
R*—1=R*-2\3R+3 3

Cau 35:



(Dé tham khao BGD nam 2017-2018) Cho hinh nén ¢6 dién tich xung quanh bang 37za’ va

ban kinh day bang a. Do dai dudng sinh ctia hinh non da cho bang

A. 24/2a. B. 3a. C.2a. D. 37“
Loi giai

Chon B

3na’ _3g.

Taco S, =mrl < 3na’ =mal < 1=
ma

Vay do dai duong sinh cta hinh nén da cho la / =3a.



Cau 1: (THPT Triéu Son 1-lin 1 nim 2017-2018) Cho hai diém A4, B phén biét. Tap hop tim nhiing
mit cau di qua hai diém 4 va B 1a
A. Mit phang song song voi duong thang AB. B. Trung diém cta duong thing AB .
C. Puong thang trung tryc ctia doan thing AB . D. Mit phang trung truc ctia doan thing AB .

Loi gidi
Chon D
Goi I 1a tAm ctia mit ciu khi d6 74 = IB suy ra / thudc mit phang trung truc ciia doan thang
AB.

Cau 2: (THPT Kim Lién-Ha Noi nam 2017-2018) Cho tam giac ABC co6 ABC =45°, ACB=30°,

NG

AB :7. Quay tam gidc ABC xung quanh canh BC ta dugc khdi tron xoay co thé tich V/

bang;

ﬂ\/§(1+\/§) 71'(1+\/§) 71'(1+\/§) ﬂ(1+\/§)
AV=———~*~ BV=—-—=. C.V=—-—~=~. D.V=——=.

2 24 8 3
Loi giai

Chon B

a8 ac e |7
Ta c¢ = = = .

€0 G030°  sind5°  sml05° | BC o f2sin SE 213

12 2
Goi H 1a chan duong cao ké tirdinh 4. Tacdo AH.BC = AB.AC.sin105° = AH = %

. . 5 1 ﬂ(1+\/§)
Suy ra thé tich khoi tron xoay can tim la V' = gﬂ'.AH *BC = o
Cau 3: (THPT Kién An-Hai Phong nam 2017-2018) Cho hinh chép S.ABCD cé day la hinh thang vuong tai
A, B.Biét SAJ_(ABCD), AB=BC=a, AD =2a, SAza\/E. Goi E 13 trung diém cla AD.
Tinh ban kinh mit ciu diquacicdiém S, 4, B, C, E.

a30 a6 a3

A. . B. . C.
6 3 2

=
{Q

Lo giai



Chon D

*Do SA L (ABCD) => SA L AC => SAC =90°.
*Do BC 1 (SAB) = BC L SC = SBC =90°.

* Do CE//AB=> CE 1 (SAD) = CE 1 SE = SEC =90°.
Suyracacdiém A, B, E cung nhin doan SC dudi mét géc vudng nén mit cau di qua cic diém S,
A, B, C, E 1a mit cadu duong kinh SC.
. . SC
Ban kinh mat cau di qua cacdiém S, 4, B, C, E la: R=7.

Xét tam gidc SAC vudngtai A tacd: AC = ABx/E = ax/E = S5C= AC\/E =2a

3R=£=a.
2

Cau 4: (THPT Chuyén Tran Pha-Hai Phong Ian 1 nam 2017-2018) Xét hinh try 7 c6 thiét dién qua
truc cua hinh tru 1a hinh vuéng c6 canh béng a . Tinh dién tich toan phﬁn S cua hinh tru.

2 2
A. S =4rnd>. B.S:”;’ . Q.S=3”2“ : D. S =rd’.

Loi giai
Chgn C

A % B
f

* Theo hinh v€, do ABCD 1a hinh vuong canh a nén ta c6: h=[1=00"=AD=a,
rooa=48_4a
2 2
A . X s . a 3a 3ra’
* Dién tich toan phan S cua hinh try 1a: S =27r(/+r)= 27[—.? ==

Cau 5: (THPT Chuyén Tran Pha-Hai Phong Ian 1 nam 2017-2018) Cho khi nén tron xoay cé duong
cao h=15cm va dudng sinh /=25 cm . Thé tich ¥ cua khbi nén la:



A. V' =45007(cm’).  B. ¥ =20007(cm’). C.V =15007(cm’). D.V =60007(cm’).
Loi giai

Chon B
S

M

Ta c6 ban kinh day r = OM =~I> = > =~/25* -15" = 20(cm). Suy ra thé tich ¥ cuia khéi nén
A 1 2 1 2 3
la: V=~ 7r’h =—.20°.15=20007 (cm’*).
3 3
Cau 6: (THPT Doan Thwong-Hai Dwong-lan 2 nam 2017-2018)C3t khéi tru bdi mot mit phing qua truc ta

dugc thiét dién 13 hinh chir nhdt ABCD c6 AB va CD thudc hai day cda hinh try,
AB =4a, AC = 5a . Tinh thé tich khéi tru.

A. V=167a’. B. V=12zxa’. C.V=dzra. D. V =8za’.
Loi giai
Chon B
B
4a i
\ : I
A \\\ ! |
\\?\\5a i
e
’ /rfl‘,/,’ N
\ -7 H
D
Ta co

AB
+ Ban kinh duong tron day la: » = > =2a.

+ Chiéu cao khéi tru: 1= AD =+ AC> —CD* = «/(561)2 —(4a)” =3a.
+ Thé tich khéi tru: V = 7.r°.h = 7.(2a)* 3a = 1274d°.

Cau 7: (THPT Ha Huy Tap-Ha Tinh-Ian 1 nam 2017-2018) Cho mét cau ban kinh R ngoai ti€p mét hinh
hép chi¥ nhat c6 cac kich thudc a, 2a, 3a . Ménh d@ nao dudi day dung?

A. a=23R. B.a:@. C.a=2R. Q.a:@.
Loi giai
Chon D



A z

Goi hinh hop chir nhat da cho 18 ABCD.EFGH . Mit ciu ban kinh ngoai tiép hinh hp chit nhat
ABCD.EFGH nhan duong chéo BH 1a duong kinh.

Do d6 ban kinh &= 27 _ L 7 raa roar - V14 _ 2R R4
2 2 2 Jia 7

Cau 8: (THPT Lwong Thé Vinh-Ha N6i nam 2017-2018). Tam gidc ABC vudng can dinh 4 ¢6 canh
huyén 14 2. Quay tam giac ABC quanh truc BC thi dugc khdi tron xoay c6 thé tich 1a

A. &ﬂ'. B. iﬂ'. C. Eﬂ'. D. lﬂ'.
3 3 3 3

Loi giai
Chon C

C

2
H
A B

Taco: AB=AC=+2.
Goi H 14 trung diém ctia canh 4B thi AH 1 BC va AH =1.
Quay tam giac ABC quanh truc BC thi dugc khdi tron xoay co thé tich la

V=2 ugram =27
3 3

Céu 9: (THPT Dric Tho-Ha Tinh-lan 1 nam 2017-2018) Cho khéi tru (7') cé chiéu cao bang 2 va thé
tich bang 87 . Tinh dién tich xung quanh ctia hinh tru (7).
A. S, =32r. B. S, =8r. C.S, =l6r. D. S, =4r.
Loi giai
Chon B

* Ta co thé tichkhditru V =zr’h=87 =’ ===4 = r=2.

> | o0

* Vay dién tich xung quanh hinh try la S, =277l =27.2.2=87x.



Cau 10: (THPT Dttc Tho-Ha Tinh-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c¢6 day la hinh
vudng, BD =2a. Tam gidc SAC vudng cin tai S va nam trong mit phiang vudng goc véi day.
Thé tich ctia khdi cau ngoai tiép hinh chop do 1a
A dra’

A.-— B. 47za3\/§. C. za’. D. 4ra’.

Loi giai

Chon A

Vi tam gidc SAC vudngcantai S = OS =04=0C (1) .

Mt khéc ta 6 ddy ABCD 1a hinh vuéng = 04 =0C=0B=0D = % =a (2).

Tur (1)va (2), suy ra O la tim mat cau ngoai tiép chép S.ABCD.Dodé R=04=a.
Thé tich khéi cau: V' = %ﬁR3 2

Cau 11: (THPT Ditc Tho-Ha Tinh-lan 1 nam 2017-2018) Cho tam gidc ABC c¢6 AB=3, AC=4,
BC =5. Tinh thé tich vat thé tron xoay khi quay tam giac ABC quanh canh AC .

A.V=12r. B.V=11r. C.V=10rx. D.V=13r.
A.V=12r. B. V =36r. C.V=1é6r. D. V =487 . (nén d6i)
Loi giai

Chgn A

Tacd AB*+ AC* = BC* = AABC vuéng tai A4
Do @6, khi quay tam gidc 4BC quanh canh AC ta dugc mot hinh nén c6: h= AC, r=AB

Vay thé tich khdi non tao thanh c6 thé tich ¥ = %ﬂrzh =127x.



Cau 12: (THPT Thang Long-Ha Noi-lan 1 nam 2017-2018) Cho hinh try c6 ban kinh dudng tron day
bang 4, dién tich xung quanh bang 48 . Thé tich cua hinh try d6 bang

A. 24r . B. 96r. C.32x. D. 72rx.
Loi giai
Chon B
Goi R, h lan luot 1a ban kinh day va chiéu cao cua hinh tru.
48 _ 48w _

Theo gid thiéttaco S, =487 < 27Rh=487 < h= R aad
T T.

Vay thé tich cta hinh tru d6 1a V = 7R*h = 7.4.6 =967 .

Cau 13: (THPT Chuyén Thai Binh-lan 2 nam hoc 2017-2018) Mot hinh tru c6 ban kinh day béng a,
chu vi thiét dién qua truc bang 10a. Thé tich ctia khdi tru da cho bang:
A. ma’. B. 57a’. C. 4rna’. D. 37a’.
Loi giai

Chon D

Goi thiét dién qua truc la ABCD.
Theo dé ra 2(AB+ AD)=10a=>(AB+ AD)=5a.
Ban kinh dady AO=a = AD =2a = AB =3a.
Thé tich khi tru 1a: V' = Sh=zr>h = 7.0’ .3a =37a’ .

Cau 14: (THPT Chuyén DHSP-Ha Noi-lan 1 nam 2017-2018) Cho hinh nén dinh S, ddy la hinh tron
tam O, ban kinh, R =3cm, goc ¢ dinh hinh nén 1a ¢ =120°. Cit hinh nén boi mit phéng qua
dinh S tao thanh tam giac déu SAB, trong 46 A4, B thudc duong tron day. Dién tich tam giac

SAB bang

A. 33 em’. B. 6+/3 cm®. C. 6cm’. D. 3cm’.
Loi gidi

Chon A

Theo dé bai ta c6 goc & dinh hinh nén 1a ¢ =120° va khi cit hinh nén boi mat phang qua dinh
S tao thanh tam giac déu S4B nén mit phing khong chira truc ctia hinh non.
Do géc & dinh hinh nén 1a @ =120° nén OSC = 60°.



Xét tam giac vudng SOC ta co tan OSC _o¢ = 50 = OE\ _ 3
SO tanOSC tan60°

Xét tam gidc vudng SOA ta c6 SA=+/SO* + 04> =243 .

Do tam giac SAB déunén S, ,, :%(Zﬁ)z.sinwo =33 (cm2).

Cau 15: (THPT Chuyén DHSP-Ha Ngi-lan 1 nam 2017-2018) Cho hinh lang try dtng ABC.A'B'C’ ¢6
day 1a tam giac vudng can tai A, AB=AC=a, AA' = V2a . Thé tich khdi cAu ngoai tiép hinh
ta dién AB'A'C la

dra’ za

3 3
Loi giai

A. na’. B. D. 4ra’.

Chon B

e
)

)

G
R M
Vi A

e T Tt
g o

Goi / 1a trung diém canh CB’

Ta co

Tam giac ACB' vudngtai A (vi AC L AB va AC 1. AA" nén AC L AB")

= I4 ZICZIB'Z%CB'

Tam giac A'B'C vuongtai A (vi A'B' L A'C" va A'B' L AA' nén A'C L A'B")

=I4'=IC=1IB :%CB'

= ] 1a tAm mat cu ngoai tiép t dién AB'A'C, ban kinh R =%CB’ = %\/ BB + BC?
Ma BC =a~/2 (vi tam gidc ABC vudngcantai A, AB=AC=a) = R=a
Khi d6 thé tich khdi cau ngoai tiép khdi tir dién AB'A'C 1a V = %mf .

Cau 16: (THPT Chuyén DHSP-Ha N6i-lan 1 nam 2017-2018) Cho hinh chép tam giac déu S.4BC.
Hinh non ¢6 dinh S va c6 dudng tron day 1a dudng tron noi tiép tam giac ABC goi la hinh noén
noi tiép hinh chép S.4BC, hinh non c6 dinh S va c6 duong tron day 1a dudng tron ngoai tiép
tam giac ABC goi la hinh nén ngoai tiép hinh chép S.ABC. Ti sb thé tich ctia hinh nén noi
tiép va hinh nén ngoai tiép hinh chép da cho 1a
Al 51 ¢ bl

2 — 4 3 3
Loi giai
Chon B



Goi M 1a trung diém cua BC .

Goi O 1a trong tam cua tam giac ABC.

Ta co: SO L(A4BC) tai O.

Suy ra, O 1a tim duong tron ndi tiép va ciing 1a tim ciia duong tron ngoai tiép tam gidc 4BC .
Goi a la d6 dai canh cta tam gidc ABC.

Goi V,, 1, 1an Iuot 14 thé tich cua hinh nén ndi tiép va hinh non ngoai tiép hinh chop S.ABC.

1 2
—.7.0M".SO 2 2 2
Do OleOA nénta co: —L = 3 :OM2 :(OM] :(lj :l.
2 f lﬂ'OAzSO 04 0A 2 4
37 .

Cau 17: (THPT Yén Lac-Vinh Phtic-Ian 3 nam 2017-2018) Cho hinh chép S.ABCD c¢6 day la hinh

vudng canh bang ¢. Canh bén S4 vudng goc véi mat day va SA = a~2 . Tinh thé tich khéi cAu
ngoai tiép hinh chép S.4BCD theo a.

3
A 37 ‘/5. B. 474°. C i D. 874°.
3 3
Loi gii
Chon C

Ta chiing minh dugc cac tam giac SBC, SAC va SCD la cac tam giac vudng lan luot tai
B,A,D.



Suy ra cac diém B, 4, D nhin canh SC dudi mot gbc vuong.
Goi I latrung diém SC = I 1a tim mat cau ngoai tiép hinh chop S.ABCD .
Khi d6 ban kinh mat cau ngoai tiép hinh chép S.4BCD la:

R=dl = st +aC :l\/(aﬁ)2+(aﬁ)2 =q.
2 2

3
Viy thé tich khdi cau ngoai tiép hinh chép S.ABCD la: V = gﬂ'R3 = %7[413 = 47;(1

Cau 18: (THPT Yén Lac-Vinh Phtic-Ian 3 nam 2017-2018) Cho hinh ling tru luc giac déu c6 canh day
béng a2 , canh bén béng 2a+2 . Tinh dién tich mit cau ngoai tiép hinh lang try da cho.
A. 167a’. B. 87a’. C. 4rna’. D. 2za*.

Chon A

Goi O, O' 1a tam luc giac déu ABCDEF va A'B'C'D'E'F’
Ta co
O 04=0B=0C=0D=0E =0F =a\2
O 00' la tryc ciia mit phang (ABCDEF ) va (A'B'C'D'E'F')
Trong mit phang (A4',00"), dung dudng trung tryc d cua canh A4’ thi d cit 00’ tai [
= [ 1a thm mit cau ngoai tiép lang try, ban kinh R=174.
Xét tam gidc OI4 vuodng tai O co: IA=~OI’ + 04> =2a
Khi d6 dién tich mat cau ngoai tiép ling tru la: S =47R* =167a>.
Cau 19: (THTT So 4-487 thang 1 nam 2017-2018) Mét céi n6i ndu nuwdc ngudi ta lam dang hinh tru, chiéu

cao cla ndi la 60 cm, dién tich day 900 cm?2. Hoi ngudi ta can miéng kim loai hinh chit nhat cé kich
thwdc 1a bao nhiéu dé Iam than ndi d6? (bd qua kich thudc cdc mép gap).

A. Chiéu dai 60z cm, chiéu rong 60 cm. B. Chiéu dai 900 cm, chiéu rong 60 cm.

C. Chiéu dai 180 cm, chiéu rong 60 cm. D. Chiéu dai 307z cm, chiéu rong 60 cm.
Loi giai

Chon A

Goi R I3 ban kinh m3t ddy. Tacé: S, = 7R* = 9007 = 7R* < R* =900 < R =30.

Suyrachuvidayla 27R=60r .
Vay can miéng kim loai hinh chir nhat cé chiéu dai 60z cm, chiéu réng 60 cm dé lam than ndi d6.

Cau 20: (THTT So 4-487 thang 1 nam 2017-2018) Cho hinh lang tru tam giac déu ABC.A'B'C’ ¢6 9 canh
bang nhau va bang 2a. Tinh dién tich S’ cGa m3t ciu ngoai ti€p hinh ldng tru d3 cho.



2
A, 5= 287 B.

Chon C

Goi O, O' lan luot la trong tdm tam giac ABC va A'B'C’

Ta cé OO’ 14 tryc clia mit phing (ABC) va (A'B'C")

Trong mit phang (44',00'), dyng duong trung tryc d cia canh A4’

Khi d6 d cit OO’ tai I = I 1a tAm mit cau ngoai tiép hinh ling tru ABC.A'B'C’, ban kinh
R=IB=~OI’ + OB’

2 2a\3 _ 2a\3

Mit khac AABC déu canh 2a,co O 1a trong tAm nén OB = 3 3 3

Suy ra R=4 321.

287a’

Vay dién tich mat ciu ngoai tiép ling trula S =47R’ =

Cau 21: (THTT S6 4-487 thang 1 nam 2017-2018) Cho mét dong hd cat nhu hinh bén duéi (gém 2 hinh nén
chung dinh khép lai), trong d6 duwérng sinh bat ky cla hinh nén hop véi ddy mot géc 60°.

Biét rang chiéu cao ctia dong hd 1a 30cm va tong thé tich ciia dong hd 1a 1000z cm® . Hoi néu
cho ddy lugng cat vao phan trén thi khi chay hét xubng dudi, ti 1¢ thé tich luong cat chiém chd
va thé tich phan bén dudi 1a bao nhiéu?
A. 1. B.L. C.L. D.L.

8 27 33 64



Goi x 1a chiéu cao cua hinh nén phia trén; 30— x 1a chiéu cao day dudi
bicu kién: 0<x<15.

3

O Tam gidc OIM vudng tai O ¢6 IMO =60°, OM = Ol.cot 60° = 5 (30-x)

B

O Tam gide O'IM’ vudng tai O’ ¢ IM'O' =60°, O'M' = O'I.cot 60° = S
Theo gia thiét ta c6 pt:

%(OI.OMZ +0'T.O'M")=10007 < 3x” =90x+600=0=x=10 (vi x<15)
Khi do

O Thé tich phan trén ¥, = é”x3 _ 10(;072’

O Thé tich phan dudi ¥, = én(3o ) = 20007
Vay: ti 18 thé tich luong cat chiém chd va thé tich phan bén dudi 1a ; = %
2
Céu 22: (SGD Bic Ninh nam 2017-2018) Tinh thé tich khbi nén ¢ ban kinh day 3 cm va do dai dudng
sinh 5 cm.
A. 127 (cm’). B. 157 (cm’). C. 367 (cm’). D. 457 (cm’).
Loi giai
Chon A

Taco SH =5 -3% =4.



Vay thé tich khéi nén 1a: ¥ = %Bh = %.4.;;.9 =127 (cm’).

Cau 23: (SGD Ninh Binh nam 2017-2018) Tap hop tim cac mit cau ludn di qua hai diém c6 dinh 4 va
B cho trudce la
A. mdt duong théng. B. mdt mat phéng. C. mot diém. D. mot doan thﬁng.
Loi giai
Chon B
Goi 7 13 tAm mat cau di qua hai diém 4 va B.
Taco IA=1IB = I la diém thudc mat phang trung truc cua doan thang 4B .
Vay tap hop tdm cac mait cau luon di qua hai diém c6 dinh 4 va B cho trudc 12 mot mat
phang.

Cau 24: (SGD Ninh Binh nim 2017-2018) Mt hinh tru c6 ban kinh day bang r va khoang cach giita
hai day bang 3. Mot hinh nén c6 dinh 1a tam mat day nay va day trung voi mat day kia cua

hinh try. Tinh ti s6 dién tich xung quanh cta hinh try va hinh nén.

A3 B. L. c Ll D. 3.

3 3
Loi gidi
Chgn A
Duong sinh ctia hinh non: [ =+/r* +3r° =2r.
Dién tich xung quanh cta hinh nén: S, = 77l = 27r°.
Dién tich xung quanh cua hinh try: S, =27zrh =277’ V3.
Vay ti s6 can tim 13 V3.
Cau 25: (SGD Ninh Binh nam 2017-2018) M6t khdi try ¢6 hai day 1a hai hinh tron ngoai tiép hai mat

cua mdt hinh 1ap phuong canh a . Tinh theo a thé tich ¥ cua khéi tru do.

3 3
A.Vz”;’ . B.V:”Z . C.V=rd. D. V =2zd’.

Loi giai
Chon A




Bén kinh khéi tru bing R = “*26 .

2 3
wa

Thé tich khdi tru bing ¥ = 7R = ﬁ%.a ==
Cau 26: (SGD Ninh Binh nam 2017-2018) Cho khéi hop ABCD.A'B'c'D’. Tinh ti sb thé tich cta khoi
hop d6 va khéi tir dién 4cB'D’ .

A.

[SRIEN]

B.3. C. g D. 2.

Loi giai
Chon D

C

. , 1 1 1 1
Goi V =V pep gmep > 2OV ooy =V =V ipry =Veupy =Viess = V _EV _EV _EV = EV .

Nén Vep anen =2V icsp -

Cau 27: (SGD Ninh Binh nim 2017-2018) Mt hinh tru c¢6 ban kinh day bang 5 va khoang cach giita
hai d4y bang 7. Cat khi tru béi mot mit phang song song véi truc va cach truc mot khoang
béng 3. Tinh dién tich S cua thiét dién dugc tao thanh.

A. S=56. B. §=28. C. S=734. D. S=14/34.

Loi giai

Chon A

oo}

b
|

Goi ABCD la thiét dién qua truc cta hinh tru va / 1a trung diém canh AB.
Ta co:

Tam gidc OAIl vudngtai [ c6: Ol =3; OA=5=14=4= AB=2.I4=8.



Khi dé S ., = AB.AD ,v6i AD=00"=7 =8 ., =56.

Cau 28: (THPT Chuyén DH KHTN-Ha Noi nam 2017-2018) Thé tich ctia khéi non c6 chiéu cao bang
4 va duong sinh bang 5 bang
A. l6rx. B. 487. C.12x. D. 36r.
Loi giai
Chon C
Gia str khdi nén dé cho ¢6 hinh vé& nhur sau:

Bén kinh duong tron day 1a: R =/S4> — SO =+/5> —4> =3.
Vay thé tich khdi nén can tim la: ¥ = %HRZ.SO = %719.4 =12x.

Céu 29: (THPT Chuyén DH KHTN-Ha Ni nim 2017-2018) Cho mit cau (S) tim O va céc diém
A, B, C nam trén mat cau (S) sao cho AB=3, AC=4, BC =5 vakhoang cach tr O dén
mit phing (ABC) bang 1. Thé tich cua khdi cau () béing

A. 7‘/?” . B. ABD. C. 20‘3/5” . D. @.

Loi giai

Chon D

Taco AB* + AC* =3*+4> =25 =BC* = AABC vudngtai A.

Goi H 14 hinh chiéu cia O trén mit phing (ABC ) = H la tam dudng tron ngoai tiép AABC.
Vi AABC vuéngtai A nén H latrung diém cua BC.

Vi khoang cach tir O dén mat phing (ABC ) bing 1 nén OH =1.

2
AOHB vuéng tai H c6: OB=+OH* + BH” :"124_(%) 2@.



V29

Vay mit cau (S) ¢6 ban kinh R =0OB ZT.

4 iﬂ[*@jzwﬁ?

Do d6 thé tich khdi cau () 1a: V' =—7zR* =
3 370 2 6

Ciau 30: (THPT Chuyén Ha Long-Quang Ninh-lan 1 nam 2017-2018) Tinh thé tich khi tru biét ban
kinh ddy 7 =4 (cm)va chiéu cao #=2 (cm).

32z 3 3 3 3
A. — (cm B. 327 (cm C. 87 (cm D. 167 (cm”).
T (em’). B32 (em’). (em’). (cm’)
Huéng din giai
Chon B
Ap dung cong thirc tinh thé tich ctia khéi tru ta c6 V = zr’h = 7.4*2 =327 (cm3),
Cau 31: (THPT Chuyén Ha Long-Quang Ninh-lin 1 nim 2017-2018) Cho hinh nén cé chiéu cao

a~/3 vaban kinh day a. Tinh dién tich xung quanh S cta hinh non.

2
wa

A. S =rnad. B.S, =2ra’. C.S,=

xq xq
Huéng din giai
Chon B

Goi / 1a duong sinh ctia hinh noén ta co [ = P+ =3 +d* =2a.

Ap dung cong thirc tinh dién tich xung quanh cuia hinh nén ta co: S, =nrl= 2ra’

Cau 32: (THPT Chuyén Ha Long-Quang Ninh-lin 1 nam 2017-2018) Cho hinh hdp chit nhat
ABCD.A'B'C'D'¢6 AB=a, AC=2a, A4’ =3a ndi tiép mit cau (S). Tinh dién tich mat cau .

A. 137a>. B. 67a’. C. 56ra’. D. %ﬂaz.

Hwéng din giai
Chon A

» A

Goi 00’ 1a duong cao ciia hinh hop va [ 1a trung diém cia OO’ . Tacé I cach déu cac dinh
ctia hinh hop chir nhat. Vay 7 1a tim mit cau (S).

2
Bén kinh mit cdu (S) 1a R=+OI* + O4* :1/9%“12 _— 213 .

Dién tich mit cau S = 47R* =1374°.

Cau 33: (THPT Chuyén Ha Long-Quang Ninh-lan 1 nim 2017-2018) Cho khéi nén c6 ban kinh day

r= l(cm) va gbc ¢ dinh 60°. Tinh dién tich xung quanh S, cta hinh non.



A. 7Z'(Cm2). B. \/Eﬂ(cmz). C. \/§7z(cm2). D. 272'(6‘1’!’12) .
Huéng din giai
Chon D

o A

Goi SO va S4 lan lugt 1a duong cao va dudng sinh cua hinh nén. Ta c6 ASO =30°.

Trong tam giac SAO ta co: sin@:% & sin60°=2 1= Sl=2r=2.

sin 30°

S,, =zl =27 (cm?).
Ciu 34: (THPT Chuyén Lé Quy D6n-Da Nang nam 2017-2018) Cho hinh chép S.ABCD c6 déy ABCD
1a hinh chir nhat voi do dai duong chéo bing V2a ,canh SA c6 d6 dai bang 2a va vudng goc voi mit

phang d4y. Tinh ban kinh mit ciu ngoai tiép hinh chop S.ABCD ?

A aV6 . 2436 C a6 D. —a;{g .

B. .

) 3 T2
Loi giai

Chon A

Taco S4 J_(ABCD) nén SA L AC hay ASAC vuoéngtai 4 va SA L BC, SALCD.

+ BC 1 AB nén BC 1 SB hay ASBC vubngtai B;

+ CD 1L AD nén CD 1 SD hay ASCD vuéng tai D;

Khi 46 ASAC, ASBC, ASCD cung nhin canh huyén SC dudi mot goc vudng nén cac dinh S, A4,
B, C, D cing nam trén mit cau duong kinh SC .

Bén kinh mit ciu ngoai tiép hinh chép S.4BCD la:

1 a\/g
—

R=_5C =%\/SA2 +AC? =%\/4a2 +2d° =

Cau 35: (THPT Chuyén Phan B¢i Chau-Nghé An- lin 1 nam 2017-2018) Cho hinh tru c6 thiét dién

qua tryc 13 hinh vudng canh 24 . Mit phang (P) song song voi truc va cach truc mot khoang
% Tinh dién tich thiét dién ciia hinh try céit boi mit phing (P).

2
A. 243a. B. a*. C. 4a’. D. za*.



Loi giai
Chgn A

h=00"=2a, rz%za.

2
MN =2 az—%zaﬁ,zvpzza.

Dién tich thiét dién cta hinh tru cdt boi mét phang (P)1a S = a3.2a=23a".

Cau 36: (THPT Chuyén Phan Bgi Chau-Nghé An- Idn 1 nam 2017-2018) Cho qua dia cau c6 do dai
duong kinh tuyén 30° Pong la 40m (cm). Do dai dudng xich dao 1a:

A. 40\3% (cm). B. 407 (cm). C. 807 (cm). D. 3% (cm).

3

Loi giai

Chon C

Kinh tuyén 30° Déng

Xich dac

Kinh tuyén géc
Puong xich dao 1a dudng vi tuyén 16n nhat. B dai dudng xich dao gip hai lan duong kinh
tuyén 30° Pong.
Vay do dai duong xich dao la: 2.40mt =807 (cm).
Cau 37: (THPT Chuyén Quéc Hoc-Hué nam 2017-2018) Trong mit phang cho goc xOy. Mot mit
phang (P) thay doi va vuong goc v6i dudng phan giac trong cia goc x/O\y cit Ox, Oy lan luot
tai 4, B. Trong (P) lay diém M sao cho AMB =90° . Ménh d& nao sau day la diing ?

A. biém M chay trén mot mat cau. B. biém M chay trén mot méat non.



C.biém M chay trén mdt mat try. D. biém M chay trén mot duong tron.
Loi giai
Chon B
+) Xét mit phang (P) tai mot vi tri cy thé thi tdp hop céc diém M 1a duong tron duong
kinh AB , chira trong mit phang (P).
+) Goi Ot la tia phan gidc cta goc x/O\y Khi mit phang (P) thay d6i, luén vudng géc Or thi
tap hop cac diém M 1a mit nén dinh O, truc Ot véi Ox, Oy la cac dudng sinh.
Cau 38: (THPT Chuyén Quéc Hoc-Hué nam 2017-2018) Tinh thé tich ¥ cua khdi nén tron xoay co
chiéu cao 4 va day 1a hinh tron ban kinh 7.

A.V=nrh. B. VZ%?Z’I”}Z. C. V:%ﬂrzh. D.V=xr’h.

Loi gii
Chon B
Taco V =lB.h =l7zr2h .
3 3

Cau 39: (THPT Chuyén Quéc Hoc-Hué nam 2017-2018) Mot hinh try c6 dién tich xung quanh bang
47 , thiét dién qua truc 1a hinh vuéng. Mot mat phéng (a) song song vdi truc, cit hinh tru theo
thiét dién 1a t giac ABB'A', biét mot canh cta thiét dién 1la mot day cung cua duong tron day
ctia hinh try va cing mot cung 120°. Tinh dién tich thiét dién ABB'A’ .

A. 32, B. 3. C. 24/3. D. 24/2.

Loi gidi

Chon C

Goi R, &, I 1an luot 12 ban kinh, chiéu cao, duong sinh cda hinh tru.
Taco S, =47 ©27.RI=4r < RI=2.
Gid st AB 1a mot day cung cuia duong tron day cua hinh tru va cang mot cung 120°.
Tacd ABB'A’ 1a hinh chir nhdtcd 44'=h=1.
Xét tam giac OAB cantai O, OA=0OB=R, ZO\B:120° = AB:R\/E.
S gy = ABAA = R\31=RIN3 =23 .
Cau 40: (THPT Chuyén Qudc Hoc-Hué nam 2017-2018) Cho hinh nén c6 ban kinh d4y bang 3 va

chiéu cao bang 4 . Tinh dién tich xung quanh ctia hinh nén.
A. 127, B. 9rx. C. 30r. D. 15x.



Loi giai
Chon D
Taco =’ +h* =+/3° +4> =5,
Dién tich xung quanh cta hinhnéndéchola S, =zrl=7.3.5=157.

Cau 41: (THPT Chuyén Thai Binh-Ian 3 nim 2017-2018) Hinh try (7') dwoc sinh ra khi quay hinh chir

nhat ABCD quanh canh 4B. Biét AC = 2a\/§ , ZC\B =45". Dién tich toan phﬁn cua hinh tru

(T) la:

A. S, =167a’. B. S, =107a’. C. S, =12za". D. S, =87a".
Huéng din giai

Chon A

Hinh chit nhat ABCD ¢6 AC =2a2, ACB =45 nén ABCD la hinh vudng canh 2a.
Khi d6 hinh try (7') c6 chiu cao 1a /1 =2a, ban kinh ddy R =2a.

Vay S,, =27Rh+27R* =167a’.
Cau 42: (THPT Chuyén Thai Binh-l4n 3 nam 2017-2018) Dién tich toan phan ctia hinh nén c6 khoang

cach tlr tim ctia ddy dén duong sinh bang V3 va thiét dién qua tryc 1 tam gidc déu bang:
A. 167x. B. 8x. C. 20 . D. 127x.

Hwéng din giai

Chon D

Gia str thiét dién qua truc 1a tam gidc déu SAB va OH 1a khoang cach tir tim mit day dén
duong sinh S4.
OH

sin 60

Tacé:OH:\/g,OA: - < 04=2= AB=4 va [=AB=4.

Khi d6 dién tich toan phan ctia hinh nén 1 S, = zrl+zr* =127.

Ciu 43: (THPT Chuyén Vinh Phiic-Ian 3 MD 234 nam hoc 2017-2018) Mot hinh try tron xoay c6 ban
kinh day R =1. Trén hai dudng tron day (O) va (O') lan luot lay hai diém 4 va B sao cho
AB =2 va goc giita AB vatruc OO’ bang 30°. Xét hai khang dinh:



(I): Khoang céch gitta OO’ va AB bing g

(II): Thé tich khéi tru 1a ¥ = z+/3 .
A.Cd (1) va (II) déu ding. B. Chi (/) dung.
C. Chi (1) dung. D. Ca (1) va (II) déu sai.
Huéng din giai
Chon A
* Goi C 1a hinh chiéu vudng géc ctia B 1én mit phang chira (0), I 1a trung diém cua AC,

Ta co:
(4B;00')=(AB;CB)= ABC =30° = h=00"= CB = 4B.cos30° =3

* Thé tich khéi tru 1a: ¥ = zR*h = z+/3 . Vay khing dinh (1I) dung.

* Khodng cach gitta 4B va truc 00’ la: d(AB;00")=d(00';(ABC))=0I =NOA* - AI* .
AC = AB.sin30°=1 = Al :% =0l = 1-% :? = d(A4B;00') :?. Vay khang dinh

(1) ding.
Cau 44: (THPT Chuyén Vinh Phiic-Iin 3 MD 234 nam hoc 2017-2018) Cho hinh chép tam giac déu
S.ABC c6 canh day bang a va mdi canh bén bang a~/2 . Khi d6 ban kinh mat cau ngoai tiép
hinh choép S.4BC la:
a15 3a a3 D a6

A. . B. —. C. .
- 5 5 5 4

Hwéng din giai
Chon A



Goi H la trong tim tam giac déu 4BC, khi d6 SH L (ABC ) va la truc dudng tron ngoai tiép
mat day.

Goi N la trung diém SA, mit phing trung tryc cua canh SA cit SH tai 7. Khi do
IS=I4=1IB=IC nén I latim mit cau ngoai tiép hinh chop S.4BC.

1 2 2
—SA4 a2
BénkinhmétcﬁuléR:SI:S];]]';M: 2 2:% () 2:“‘?.
JSA? - aH (aﬁ)z_ 243
32
Cau 45: HET (THPT Hoai An-Hai Phong nam 2017-2018) Cho hinh nén c6 goc &
dinh bang 60°, dién tich xung quanh bang 674> . Tinh thé tich ¥ ctia khdi non di cho.
3 3
A.V=37m\/5. B.V =zd’. C.V:”“ﬁ. D. V =3zd’.
4 4
Loi giai
Chon D
* ASAB la tam giac déunéntacd /= AB=2r, h= %\B = /3 ma Sxq = nrl = 6xa’

<2t =6rxa’ <:>r:a\/§, h=3a.

S
A
do

|
l
hy
l

rh

* Thé tich cua khdi non da chola: V = =37a’.




Cau 46: (THPT Hoai An-Hai Phong nam 2017-2018) Cho hinh tru c6 ban kinh day bang Scm va
khoang céach gitta hai day 1a 7cm. Cat khéi tru bdi mot mit phing song song véi truc va cach
truc 3cm. Tinh dién tich S cua thiét dién duoc tao thanh.

A. 55cm’. B. 56cm’. C. 53cm’. D. 46cm’.
Loi giai
Chon B

7cm

Goi thiét dién 1a hinh chit nhat ABCD, H 14 trung diém CD.
, {OH 1CD
Ta co:

= OH L (ABCD) = d(00';(ABCD))=d (0;(ABCD))=OH =3cm.
OH L BC

— HC = HD =~JOC? —OH?* =5* -3* =4cm.
= AB=CD=8cm.
=S pep = AB.BC =8.7=56cm’.

CAu 47: (THPT Hoai An-Hai Phong nam 2017-2018) Cho hinh nén tron xoay c6 chiéu cao 4 =20cm,
ban kinh ddy r =25cm. Mt phing (@) di qua dinh cua hinh nén cach tim cua ddy 12cm .
Tinh dién tich thiét dién cua hinh nén cét bai mp (a) .
A. =400 (cm’). B.S =406 (cm’).  C.§=300(cm’).  D.S=500 (cm®).
Loi giai
Chon D
Ta c6 hinh v€ sau :



Ta c6: d(O,(a))=0H =12.

Dién tich thiét dién cua hinh nén cét boi mp (@) 1a: S, = %SM.AB =SM.MA .

! ! ! ! +;<:>OM=15.

OH” SO° oM® 12 200 oM”
Suy ra SM =+/SO* + OM?> =/20* +15> =25.

Mait khac ta c6: M 1a trung diém ctia 4B va OM | AB.

Xét tam gide MOA vuéng tai M : MA=+0A> —OM*> =~/25" —15* =20.
Vay S5 = SM.MA=2520=500 (cm®).

Trong tam giac SMO vudng tai O:

Cau 48: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho hinh 14p phuong ABCD.A'B'C'D' ¢6
canh bang 2a. Tinh thé tich khdi non tron xoay ¢ dinh 1 tdm hinh vuéng A'B'C'D’ va day la
dudng tron noi tiép hinh vudng ABCD .

A. szfraS. B. Vzlmf. C. VziﬁaS. D. V =2ra’.
3 3 3
Loi giai
Chon A
A 2a__ '
T
I 0!
: // | \\
B' . // : \\ Cl
: // : \\
! // | \\
by l \
[ 1 \
ApL - b M- $ D
1= | ~4
{ ¢
// \\\\\\ O A




Khdi nén tron xoay c6 dinh 1a tim hinh vudng 4'B'C'D’ va day 1a dudng tron ndi tiép hinh
B
vudng ABCD nén c6 rzTC =a; h=SO =BB' =2a

Ta co: V=l7l'l”2h =£7m3.
3 3

Ciu 49: (THPT Kinh M6n 2-Hai Dwong nam 2017-2018) Mot khdi nén c6 dién tich xung quanh bang

2r (sz) va ban kinh day % (cm) . Khi d6 d¢ dai duong sinh la

A. 2 (cm). B. 3 (cm). C. 1(cm). D. 4 (cm).
Loi gidi
Chon C
S
Taco: S, =7RI=1="2=2% _4
’ 7R ”1
2

Cau 50: (THPT Kinh Mon 2-Hai Dwong nam 2017-2018) Mot hinh tru c6 ban kinh day béng a, mat

Cau 51:

phﬁng qua truc cat hinh tru theo mot thiét dién c6 dién tich béng 8a”. Tinh dién tich xung
quanh cua hinh try ?
A. 4ra’. B. 87a’. C. 167a”. D. 2za*.
Loi giai
Chon B

] .
| mm e |

4 -
- I__,.- N

Thiét dién qua truc ctia hinh try 1 hinh chit nhat, c6 do dai mot canh 1a 2a, c6 dién tich 1a 8a°,
8a’

2a

suy ra chiéu cao ctua hinh try 1a 4 = 4a.

Vaéy dién tich xung quanh cua hinh try la: S, =27rh =2.7.a4a = 8za’.

(THPT Kinh Mo6n 2-Hai Dwong nam 2017-2018) Cho tam gidc SOA vudng tai O co
OA=3cm,SA=>5 cm, quay tam gidc SOA xung quanh canh SO dugc hinh nén. Thé tich ctia
khdi nén tuong tmg 1a:
3 3 807 3 3
A. 127 (cm ) B. 157 (cm ) C. T(cm ) D. 36x (cm )
Loi giai
Chon A



0 vA
SO =~S4*-04% = 4; V:%ﬂrQh :%n.32.4 =127 (cm3).

Cau 52: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Mt hinh tru c6 duong kinh day bang chiéu
cao va ndi tiép trong mit cdu ban kinh R . Dién tich xung quanh cta hinh try bang:
A. 27R%. B. 47R’. C. 2\27R*. D. \V27R?.

Loi giai

Chon A

Goi A 1a chiéu cao, R, 1a ban kinh day cuta hinh try. Vi hinh try ndi tiép trong mat cau ban kinh

RV2
2

R néntaco: h* +h* = (2R) = h= Rf R =—=
= S, =27R.h= 2;;in 27R>.

Cau 53: (THPT Ninh Giang-Hai Dwong nim 2017-2018) Thiét dién qua truc ciia hinh nén (N ) la tam
gidc vudng can cé canh goc vudng bang a. Tinh dién tich toan phan cta hinh nén (N) ?

ﬁa2(2+\/§) ﬂaz(\/ngl)

A S, = B. S, = 5
ra’ 1+2\/§
C. S =7za2(J§+1). D. S :Q.
i tp
2
Loi giai

Chon B



- — - B--
Gia sir SAB 1a thiét dién qua truc cta hinh nén (nhu hinh v&).
Theo gia thiét ta c6 tam gidc SAB vudng cantai S va SA=SB=a.
1 a2

Do d6 AB =~/SA* +SB* =a2 va SO:OA:EAB: 7

a\/Ea_ﬁaz\/E
5 4 .

2

Dién tich xung quanh cua hinh nén: S, =7.04.54=r.

2
wa

Dién tich day S = 7

X 2 2 gt (V2 +1
Viéy dién tich toan phan ctia hinh nén (N) 1a: S, = ”az 2 + ”g = (2 ) .

Cau 54: (THPT Phan Dang Lru-Hué-lin 1 nam 2017-2018) Thiét dién qua truc cia mot hinh nén (N)

la mot tam gidc vudng can, c6 canh goc vudng bang a, dién tich toan phan cua hinh nén (N )

bang;
2 V4 1+\/§ a’ V4 1+\/§ a’ 2
N p AR AB)a e
2 2 2 2
Loi giai
Chon B
Taco S, = zRI+7zR, trong d6 R:a\z/i, [ =a nén

a2 a2\ ”(H‘/E)az
Stp:ﬂ'.T.a+7Z'. > = 5 .

Céu 55: (THPT Phan Dang Luu-Hué-lin 1 nam 2017-2018) Cho Hinh nén (N') c6 béan kinh ddy bang
3 va dién tich xung quanh béng 157 . Tinh thé tich ¥ cta khdi nén (N) 1a:

A. 127x. B. 207 . C. 36r. D. 60r.
Loi giai
Chon A

Ta c6 dién tich xung quanh cia hinhnon la S, =7zrl 157 =731 <1 =5.

Chiéu cao cua khéi non 1a h:\/lz—r2 :\/52—32 =4,

Thé tich ctia khdi non 1a V = %m/zh = %:.32.4 =12r.



Cau 56: (THPT Phan Dang Luwu-Hué-lan 1 nam 2017-2018) Hinh try ban kinh day ». Goi O va O' 1a
tam cua hai duong tron day voi OO’ = 2r . Mot mét cau ti€p xtc véi hai day cua hinh tru tai O

A ’ : \ A A R o7 5 A A A A c 37 V Y
va O'. Goi V. va V, lan lugt la thé tich cua khoi cau va khoi try. Khi d6 —< 1la

A B. D.

~
o |w

C.

AW
w | N

1
=L
Loi gidi
Chon C
7 o 4
Ta c6 thé tich ctia khoi cau 1a V. = 572'}"3 :

Thé tich cuia khdi tru 1a V, = zr’l = 277",

Khido Yo -2
v, 3

Cau 57: (THPT Phan Ding Luwu-Hué-Tin 1 nam 2017-2018) Hinh tru c6 ban kinh day bang a va thiét
dién qua truc 14 hinh vudng, dién tich xung quanh hinh try dé bang

2
A. ”;’ B. 7a’. C. 3ra’. D. 47a’.
Loi giai
Chon D

Hinh try ¢6 ban kinh déy bang a va thiét dién qua truc 1 hinh vudéng nén d6 dai dudng sinh
cua hinhtrula / =2a.
Dién tich xung quanh ctia hinh tru bang S = 27l = 27.a.2a = 47a* .

2a

CAiu 58: (THPT Phan Dang Luu-Hué-Ian 1 nam 2017-2018) Hinh chop S.ABCD c¢6 day la hinh vudng
canh a, S4 vudng gbc voi mit phing (ABCD) va SA=2a. Dién tich mit cau ngoai tiép hinh
chop S.ABCD bang:

A. 27a’*. B. za*. C. 3za*. D. 6za*.
Loi gidi
Chon D



Ta ching minh duoc:
* BC 1 (S4B)= BC L SB=> ASBC vudng tai B.

¢ CD 1(84D)= CD L SD = ASCD vudng tai D.
¢ SAL(ABCD)=> SA L AC = ASACvuéng tai 4.

Goi O la trung diém canh SC.Khi d6: 0OA=0C=0D=0B=0S = %SC.
Do d6 O 1a tim mit cau ngoai tiép khoi chop S.ABCD .

1 a\/g

Ban kinh mit ciu 1a: R = 2S¢ =%x/SA2 + AC? =%\/4a2 +24° = -

2
Dién tich mit cAu: S = 4zR? = 47;.3% = 6ma’ .
Cau 59: (THPT Quang Xwong 1-Thanh Héa nam 2017-2018) Cho hinh nén (N) c6 ban kinh d4y bang 6

va dién tich xung quanh bang 607 . Tinh thé tich ¥ cta khéi non (N ) .

A. V =288r. B. V =96m. C. V =4326m. D. V =144J6r.
Loi giai
Chon B

Ta co Vzénth.
. |R=6 R=6
Lai co = =V =96m.
S,, =60m =Rl = R\ h* + R? h=8

Cau 60: (THPT Quang Xwong 1-Thanh Héa nam 2017-2018) Cho hinh chép S.ABCD c6 day 1a hinh chir
nhat. Biét SA=AB=a, AD=2a, SAL (ABCD). Tinh ban kinh mat cdu ngoai tiép hinh chop

S.ABCD.
A. 2"‘@. B. "‘B. C. 3‘“/5. D. “‘/g.
13 2 4 2
Léi gidi

Chon D



D@ thiy SAC = SBC = SDC = 90°. Suy ra mit cau ngoai tiép hinh chop S.4BCD c6 duong

kinh 1a canh SC =~/S4> + AC* = a+/6 . Vay ban kinh R = "‘2/3 .

HET

Céu 61: (THPT Tran Qudc Tudn nam 2017-2018) Mot hdp sira c6 dang hinh tru va c6 thé tich bang
2825cm’ . Biét chiéu cao clia hop sita bang 25cm. Dién tich toan phan ctia hop sita d6 gan véi
s6 nao sau day nhat?

A. 1168cm”. B. 1172cm®. C. 1164cm”. D. 1182cm”’.
Huéng din giai

Chon A

Goi ban kinh day cua hinh tru 1a R . Khi d6 theo bai ra ta co:

Y =2825 < 7R*25=2825 < R =110 s p= 113
T T

Vay dién tich toan phan ciia hop sira la:

2
S, =2nRh+27R* =27. /2.25+2;z[ EJ ~1168cm”.
T T

Cau 62: (THPT Tran Qudc Tudn nam 2017-2018) Thiét dién qua truc cia mot khdi non (N) 1a mot

tam giac vudng can va c6 dién tich bang a”. Tinh thé tich V' ctia kh6i non (N ) .

3 3 3
Av="2 B. =% c.v=2~ p.v=2
3 2 3 3
Huéng din giai
Chon A



Gia str thiét dién qua tryc cua (N) 1a ASCD.

Ta c6 ASCD vudng can tai S va co dién tich bang o

:%SC2=a2:>SC:ax/§ ~so=oc="C_,

V2

3
Dodé ¥ =L xR = L roc? 50 = -
3 3 3

CAiu 63: (THPT Thanh Mién 1-Hai Dwong-lan 1 nam 2017-2018) Cho hinh chop tir gidc S.ABCD ¢6
day ABCD la hinh thang vudng tai 4 va B, AB=BC=a, AD=2a, SA L (ABCD) va

SA = a\/E . Goi E latrung diém cia AD.Ké EK 1 SD tai K. Ban kinh mit cau di qua sau
diém S, 4, B, C, E, K la:

Vi E 1a trung diém ctia 4D, ABCD 1a hinh thang vuéng tai A va B va AB=BC =a,
AD=2a nén AB=BC=CE=A4AE=ED=a va CE//AB.Khid6 CE L AD, CE 1 S4A(do



SA L (ABCD))nén CE L SE hay SEC =90° vi CE 1 SD. Mat khic EK L SD do d6
SD L (CEK) suy ra CK 1 SD hay SCK =90°.

Tacod CB L AB, CB L SA nén CB L SB hay SBC =90°. Ta ciing c6 CA L SA nén
SAC =90°
Vay cac goc ﬁ’ , S/C’T{ , STS%’ , S/A\C cung nl}in canh SC dudi mét goc khong ddi 90° nén
cacdiém S, 4, B, C, E, K nam trén mat cau tam 7 1a trung diém cia SC ban kinh
SC

R="2
2

Tacéd AC =~/ AB* + BC? =a\/§; SC=~AC* +S4* =2a suyra R=a.

Ciu 64: (THPT Thanh Mién 1-Hai Dwong-lan 1 ndm 2017-2018) Thiét dién qua truc cia mdt hinh

nén 1a mot tam giac vudng can c6 canh huyén la 24/3 . Thé tich ctia khéi non nay bang

A. 37, B. 372 C. 3. D. 37\3.
Loi giai

Chon C

. . 2
Ta c6 thé tich khoi nén V = %72’1”2.}1 : Trong d6 dudng sinh 2/° = (2\/5) =I=J6=

h:\/6—3:\/§, r=+3 suy ra VZ%ﬂ.?).\/g:ﬂ'\/g.

Cau 65: (THPT Tran Huwng Dao-TP HCM nam 2017-2018) Cho hinh lang try tam giac
déu ABC.A'B'C' c6 &9 dai canh day bang a va chiéu cao bang 2a. Tinh thé tich ¥ ciia khoi cau
ngoai tiép hinh lang try ABC.A'B'C’.

32\37d° 32437d° _ 83rd’ D. V= 3237d°

27 . 9 . - . . - .

C.V
27 81

A V= B. V=

Loi giai
ChonB



Dung truc OO’ cua hai ddy va goi [ la trung diém ctia OO’ . Khi @6 7 14 tAm ctia mat cau va
ban kinh mat cau R =14".
a3 .

Trong tam gidc vudng I0'A’ tacd R=+O0'A>+O0'T* véi O'A’ =5 va O'I =2a tacod

3
2“3\/5 . Thé tich khdi cau V:%,,Rs N V:ﬂ{%.

Cau 66: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Mét hinh try c6 ban kinh déy bang véi chiéu cao
clia né. Biét thé tich clia khoi tru d6 bang 87 , tinh chiéu cao /4 cla hinh tru.

A h=34. B.h=2. C. h=22. D. h=3/32.

L&i gidi

R=

Chon B

Goi 7 va h lan luvot 1a ban kinh va chiéu cao cla hinh tru. Theo dé baitacé h=r.

Thé tich cGa khéi tru 1a V = zr*.h = 7k’ . Theo d@ bai thé tich cta khéi tru 1387 nén ta c6 phuong
trinh 87 =7h’> =< h=2.

Cau 67: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Cat mot khéi tru béi mot mat phing qua truc

clia né, ta duoc thiét dién 1a mét hinh vudng cé canh bang 3a . Tinh dién tich toan phan Stp cla khoi

tru.
277a’ 13a*7 a2ﬂ\/§
A Sp=="—" B. S”’:T C.S,=d’m3. D. 5, =———
L&i gidi
Chon A




Theo d@ baita cd6 ABCD la hinh vudng canh 3a néntacé r = 3761 va h=3a.

2 2
Dién tich toan phan cta hinh tru I3 Stp =27r* +27rh = 27[(3761] +27z37a3a = 2772”1 .

Cau 68: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Cho khoi t dién OABC véi OA, OB,
OC tirng d6i mot vudng goc va O4=0B =0C =6. Tinh ban kinh R cla mat cau ngoai tiép t& dién

OABC.

A. R=42. B.R=2. C. R=3. D. R=33.
Lo gidi

Chon A

Goi M la trung diém cla BC, do tam gidc OBC vudng tai O nén M |a tdm dudng tron ngoai tiép
tam giac OBC'.

Qua M dung duong thang d song song véi OA khi d6 d 1a truc dudng tron ngoai ti€p tam gidc
OBC .Goi A 13 dudng trung truc cia canh OA va I 1a giao diém cla A va d . Khi dé I 13 tAm mét
cau ngoai tiép tir dién OABC.

Tacé 0M=%BC=% OB>+0C?> =3J2; ON=IM =%OA =3,

Tam gidc OMI vudngtai M nén IM =~OM* + IM* :1[(3\/5)2 +3° =3\/§.

Vay ban kinh méit ciu ngoai tiép tir dién OABC 1a R = 3\/§ .

Ciu 69: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Mot céi bdn gdm hai nira hinh cau duong
kinh 18 dm, va mét hinh try ¢6 chidu cao 36 dm (nhu hinh v&). Tinh thé tich ¥ cua cai bon do.

A f.
I 'y

18cdm 1 :
i 1
I ¥
v L
36dm

AV =92167 dm*.  B. V=027 g3




Loi giai
Chon D
Ta co:
Thé tich khéi tru: V, = 7./>.h = £.9°.36 = 29167 dm’.

Thé tich khéi cau: ¥, = g.ﬂ'.l"S = g.ﬂ'.93 =9727 dm’.
Suy ra thé tich V' =V, +V, =38887 dm”.

Cau 70: (THPT Tw Ky-Hai Dwong nam 2017-2018) Dién tich § cua mdt cau ngoai tiép hinh 1ap
phuong canh bang 2 1a
A. 487. B. 273 C. 873. D. 127.
Huéng din giai
Chon D
Mit cau ngoai tiép hinh 1ap phuong canh a c¢6 tm la giao diém cac duong chéo ciia hinh 1ap

a3

phuong, c6 ban kinh R = 5

Do d6 mit cau ngoai tiép hinh lap phuong canh bang 2 ¢ ban kinh R = V3.
Vay dién tich miat cau la: S =47R* =127.

Cau 71: (THPT T& Ky-Hai Duwong nam 2017-2018) Cho bbn diém 4, B, C, D cung thudc mdt mat cau
va DA , DB , DC d6i mdt vudng goc, G la trong tam tam giac ABC , D' 1a diém thoa mén
DD' =3DG. Mot duong kinh ctia mat cau do la
A. 4B . B. AC . C. DD'. D. BC .
Hwéng din giai

Chon C

Goi M 1a trung diém cua BC .

Dung d qua M va vudng gbc véi mit phang (BCD).

Khi dé d// AD

Goi J la trung diém AD. Dung mat phéng trung truc cia doan théng AD cét d tai I, khi do
I 13 tAm mit cdu ngoai tiép t&r dién ABCD .

Ta co:

D=T7+T7 (1).

1G =18+ MG = I + M = I +—(MD+ D)



=TV + A MD .21 =~ IV + - MD = L 1M + £ 17 = (1M + T
3 3 3 3 3 3 3
LW+ =31G (2).
Tt (1), (2) suy ra: ID =3IG hay ba diém D, I, G thing hang.
Mit khac: IM// AD (cung vudng goc v6i mat phang day)
=29 _AY _ )~ DG =2GI « DG =2(Di - DG) = 3DG =2DI < DD = 2DI
GI GM
= I 1a trung diém cua DD'.
Cau 72: (THPT Xuan Trwong-Nam Dinh nam 2017-2018) Mt hinh tru c6 ban kinh day a, c6 thiét
dién qua tryc 1a mot hinh vudng. Tinh theo a dién tich xung quanh cua hinh try.

A. ma’. B. 27a’. C. 3za’. D. 4rza’.
Loi giai
Chon D
Vi hinh tru c6 ban kinh day a, co thiét dién qua truc 1a mot hinh vudng nén cé chiéu cao
h=2a.

Vay dién tich xung quanh cua hinh tru 1a: S, =27zrh=27.a.2a = dra’ .

Cau 73: (THPT Xuan Trwong-Nam Dinh nam 2017-2018) Tinh theo a ban kinh ctia mat cu ngoai
tiép hinh chép tam giac déu S.ABC, biét cic canh ddy c6 do dai bang a, canh bén S4 = a3 .

3a\/g B 3a\/§ 2a\/§ D ax/g

A. . C.

=g NG V2 "8

Loi giai

Chon A

- S ——

-——=

Goi H la trung diém ctia S4 . Trong mit phang (SAO) ké duong thang qua H va vudng goc
Vi SA cit SO tai 1.Khidd IS=I14=IB=1IC.

a3 V3

Taco: AM === AO:aT; SO =~/SA> —04* =

2\/60
3

Do ASHI ©» ASOA ta co: 2L =31 _ gy - SH-S4 _ 36a .
sS4 SO SO 8

Cau 74: (THPT Xuan Truwong-Nam Dinh nam 2017-2018) Cho hinh nén tron xoay c6 dinhla S, O 1a
tam cua duong tron day, dudng sinh bang a2 va goc giira dudng sinh va mat phang day bang
60°. Dién tich xung quanh S, cua hinh nén va thé tich ¥ cua khbi nén twong tmg 1a



A S = nd V:mf\/g a’ :ﬂa3x/§

, . B. S = , V
M 12 o2 12
3 3
C. qu=7m2\/§,V=ﬂa\/€. D. quzimz,Vzﬂa\/g.
4 4
Loi giai
Chon A
S

Dua vao hinh v& ta c6: goc gilta duong sinh va mat day la SAO = 60°.
Tam gidc SAO vuodng tai O:

R = 04 = SA4.c0s SAO = ax/2..cos 60° = 2V2

2
h = SO = SA.sin SAO = a~J2.sin 60° :#.

za*\J6

12

Vay S, =7Rl=ra’ va V=%7[R2h=

Cau 75: (THPT Luwong Van ChasnhPhus Yén nam 2017-2018) Khi quay mdt tam giac déu canh bang

a (bao gom ca diém trong tam giac) quanh mot canh cia nd ta dugc mot khéi tron xoay. Tinh
thé tich ¥ cua khdi tron xoay do theo a.

3 3 3 3
A4 B. mf3a . c. e D. 7f3a .
4 8 4 24
Loi gidi

Chon A



Khoi tron xoay c6 dugc la hai khoi non giong nhau Gp hai day lai véi nhau.

a3

Mdi khéi nén c6 dudng cao h = % , ban kinh duong tron day » = >

2 3
Vay thé tich khoi tron xoay 1a ¥ = 2.l.h.7z.r2 = zgﬂ' & =4
3 32 2 4

Cau 76: (THPT D6 Luwong 4-Nghé An nam 2017-2018) Khoi try tron xoay c6 duong cao va ban kinh day
cung bang 1 thi thé tich bang:

A. %7[ B. 7°. C.2rx. D. z.
Loi giai
Chon D

V=mr*h=rn1’1=rx.

Cau 77: (THPT Do Lwong 4-Nghé An nam 2017-2018) Mét cai cdc hinh tru cao 15 cm dung duoc 0,5 lit

nudc. Hoi ban kinh duwong tron day cla cai cdc xap xi bang bao nhiéu (lam tron dén hang thap phan

thit hai)?

A. 3,26 cm. B. 3,27cm. C. 3,25cm. D. 3,28cm.
Loi giai

Chon A

Tacé: 0,5 lit =0,5 dm® =500 cm®.

Goi R 13 ban kinh dudng tron day, ta ¢é: ZR*.h=500< R = . /% =, }fsﬂ =3,26 cm.
T T

Cau 78: (THPT Hau Loc 2-Thanh Hoa nam 2017-2018) Cho hinh nén ¢6 duong sinh /=5, ban kinh
day » =3. Dién tich toan phan cta hinh nén d6 la:
A. S, =157 B. S, =207 C.S§,=22n. D. S, =24r.
Loi giai
Chgn D
Ap dung cong thirc tinh di¢n tich toan phan cua hinh nén ta cé
S, =nrl+nr’ =157 +97 =24r.



Cau 79: (THPT Hau Loc 2-Thanh Héa nam 2017-2018) Cit hinh nén béi mot mit phang di qua truc ta

dugc thiét dién 1a mot tam giac vudng can ¢ canh huyén bang a~J6 . Thé tich V' ctia khdi nén

d6 bang:

3 3 3 3
A.V:”a‘/g. B.V:”‘“/g. C.V:”‘“/g. D.V:”‘“/g.

4 3 6 2

Loi gidi
Chgn A
AY
B A

a6

Theo bairatacdo AH = T

AB a6

Lai c6 ASAB vuong can tai S nén SH=7 =AH = 5

lax/gﬂ(a\/gjz_ﬁ\/g 3
P = a’.

Thé tich khdinonla V = lSH.ﬂ.AHZ =
3 3 2 4

Cau 80: (THPT Hau Loc 2-Thanh Héa nam 2017-2018) Cho hinh chép tir giac déu S.ABCD c¢6 canh

day bang a3, dudng cao bang 3761. Goc gitta mat bén va mat day bang:

A. 30°. B. 45°. C. 60°. D. 75°.
Loi giai

Chon C

Goi O 14 tam ctia hinh vuéng ABCD; M 1a trung diém cta CD.
Géc giita mit bén va mit day 1a SMO .

1 ax/§

Taco OM =—AD =——.
2 2



Xét tam gidc SOM vudng tai O, ta co tan SMO = 50 =

=2 3 = SMO = 60°.
oif =3

3
2%
V3,

2
Cau 81: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 nam 2017-2018) Cho hinh chép S.4BC c6 day

ABC 1a tam giac vuong tai B va BA=BC=a. Canh bén S4=2a va vudong goc voi mat
phang (ABC ) Bén kinh mit cu ngoai tiép khéi chop S.4BC la:

A. 3a. B. a2 C. a6, D ﬁ.

2 = 2
Loi giai

Chon D

Goi [ latrung diém canh SC.
SAL(ABC)=>SA 1L AC = ASAC vudngtai A.Suyra: [A=IC=1IS.

SA L (ABC)=> SA L BC va BC L AB (do AABC vuéng tai B).

Suy ra: BC J_(SAB) nén BC L SB= ASBC vudngtai B. Dod6 IB=IC=1S.

Vay 7 1a tim mat cAu ngoai tiép hinh chép S.4BC.

a6

Khi d6 R:IS:%SC:%\/SA2+AC2 :%\/SA2+AB2+BC2 :%\/4az+az+a2 ==

Cau 82: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 nam 2017-2018) Cho hinh nén N, c6 chiéu cao bang
40 cm. Ngudi ta cat hinh nén N, bang mot mit phang song song voi mit ddy cta né dé dugc
mdt hinh nén nhé N, c6 thé tich bang % thé tich N,. Tinh chiéu cao / cua hinh nén N, ?

A. 40 cm. B. 10 cm. C. 20 cm. D. 5 cm.

Loi giai
Chon C



Goi R, R,, h, h lan luot la ban kinh va chi€u cao cta cac khoi nén N,, N, . Goi V,, V, thé
tich cuia cac khoi non N,, N, va goi 2a 1a goc ¢ dinh cua hinh non.

Ta co: V] =§7zR12h1; v, =%7ZR22}Z.

~Rh 2
Theo dé bai ta ¢6 ﬂzlal BN th L
.8 E”Rlzhl 8 R'h 8
3 2
Métkhéctalaicc')Rlzhltana,Rzzhtana:}zta#zl@ﬁ:l@h:lhl:h=20.
htan"aa 8 h 2 2

1

Ciu 83: (THPT Yén Dinh-Thanh Héa-lan 1 niam 2017-2018) Tinh thé tich cua khdi tru biét ban kinh
day ctia hinh try d6 bang @ va thiét dién di qua truc 1a mot hinh vudng,

A. 2rza’. B. %mf. C. 4ra’. D. za’.

Huéng din giai
Chon A

Goi B la dién tich duong tron day cia hinh try, £ 1a chiéu cao cua hinh tru.
Vi thiét dién di qua truc 1a hinh vudng nén ta c6 4 =2a.
Viy thé tich cta khéi tru 1a: V = B.h = 7a* 2a =27a’ .
CAu 84: (THPT Yén DPinh-Thanh Hoéa-Iin 1 niam 2017-2018) Cho hinh nén c6 thiét dién qua truc cua

hinh nén 1a tam gidc vudng cén c6 canh goc vudng bang a2 . Dién tich xung quanh cua hinh
noén bang:



2 2
A. 7ra3\/§. B. 7ra2\/§. C. 2\27d’. D. V2rd® .
Huéng din giai
Chon D
S
a2
4 B|

Tam gidc SAB vudng can tai S nén ASO =45°.
Suy ra tam giac S40 vuong can tai O.
Khi d6: 40 _54 =a.

NG
Dién tich xung quanh cta hinh nén: S = 7.04.54 = r.a.a2 =\2xd>.
Céu 85: (THPT M¢ Dirc-Quang Ngai-lan 1 nam 2017-2018) Mt cau (S) c6 dién tich bang 207, thé
tich khéi cau (S) bing

A. 2075 . B. 2075 . c. 207 D. 4z .

= 3 3 3
Loi giai

Chon A
Dién tich mat cau (§): 4nR> =20m <> R=+/5.

Thé tich khéi cau (5)1a V=§nR3 =§n(\/§)3 = 20’;*/5 .

Cau 86: (THPT Mo Ditc-Quiang Ngai-lin 1 nam 2017-2018) Hinh try c6 hai duong tron day ngoai tiép
hai mdt ctia mét hinh 1ap phuong canh a thi ¢6 dién tich xung quanh béng bao nhiéu?
A. 2ra’. B. NeY 7 C. 2\27d>. D. za’.
Loi giai
Chon B

Goi r la ban kinh duong tron day thi » = # yI=a. S, =2zrl =21 a\z/z a=\2ra*.

Cau 87: (THPT Hoang Hoa Tham-Hung Yén-lan 1 nam 2017-2018) Cho hinh hinh nén ¢6 d6 dai duong
sinh bang 4, dién tich xung quanh bang 87 . Khi dé hinh nén cé ban kinh hinh tron day bang
A. 8. B. 4. C. 2. D. 1.
Loi giai
Chon C
Ta c6 dién tich xung quanh cda hinh nén la:
S, =7RlI=n.RA4=8r=R=2.

Vay ban kinh hinh tron day la R=2.



Cau 1: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Mot khdi tru c6 thé tich bang 257. Néu chiéu cao
khdi try ting 1én ndm lan va giit nguyén ban kinh day thi dwoc khdi tru méi ¢6 dién tich xung
quanh bang 257. Ban kinh day cua khéi tru ban dau 1a
A. r=10. B. r=5. C.r=2. D. r=15.

Loi giai
Chon B
Khoi try ban dau co: V =257 < 7r*h =257 < r*h=25 (1).

Khéi try lic sau c6: S, =257 < zr(5h) =257 < rh=5 (2).
Tr(l)va(2)suyra r=5.

Ciu 2: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Cho hinh nén c6 ban kinh day 1a r = x/EVél do dai
duong sinh/ = 4. Tinh di¢n tich xung quanh § ctia hinh n6n da cho.
A. S=167. B. S =82x. C.S=162r. D. S=4/2x.

Loi giai

Chon D
Ap dung cong thirc tinh dién tich xung quanh ciia hinh nén ta c6 S = 77l = 427 .

Ciu 3: (SGD Ba Ria Viing Tau-dé 1 ndm 2017-2018) Cat mot khdi tru béi mot mat phéng qua truc ta
duoc thiét dién 1a hinh chit nhat ABCD c6 canh AB va canh CD nam trén hai day cta khéi tru.
Biét BD =a2, DAC =60 . Tinh thé tich khéi try.

A. ﬁﬂas. B. ﬂﬂcf. C. ﬂmﬂ D. ﬂﬂas.
16 16
Loi giai
Chon B
C
D 7 i
////‘—6’\,0’/—// ,/”:::)‘B\\\L
y g

Ta cd6 ABCD 1a hinh chir nhat nén tam gidc ADC vuong tai D va BD = AC = a2
Xét tam gidc vuong ADC c6

& DC = ACsin DAC <> DC = ay/2.sin 60° < DC = “26
Suy ra ban kinh mat day cua hinh try 1a » = a46 .

coszﬁzj—g & AD = ACcos DAC < AD = a2 c0s60° < AD = “*2/5



Chiéu cao cta hinh tru 1 4=

a2
5
a\/E _ 3a3\/§

2 16

2
Thé tich khéi tru 13 V = n(“fJ

Ciu 4: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Cho hinh ldng try dtng ABC.A'B'C' ¢6 day
ABC 13 tam giac vuong tai 4. Biét AB=AA'=a, AC=2a. Goi M 1a trung diém cua AC.
Dién tich mit cau ngoai tiép tir dién MA'B'C’ bang
A. 4ra*. B. 27a*. C. 57a’. D. 37a>.
Loi gii
Chon C

Goi I 1a trung diém cua canh B'C’. Khi d6 7 14 tim dudng tron ngoai tiép AA'B'C’.

Goi M' la trung diém ctia canh A'C’. Khi d6 MM' L(A'B'C').

Do MA'=MC'=a~2 nén AMA'C' vudng tai M . Do d6 M' 13 tim duong tron ngoai tiép
AMA'C'.

BC a5
2 2

Do d6 / 1a tim mit cau ngoai tiép tir dién MA'B'C’. Ban kinh mit cau la r = [B' =

Do d6 dién tich mit cau 1a S =47r* =57za>.

Cau 5: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Cho hinh chép S.4BC ¢6 canh bén S4 vudng
goc voi day, AB = a\/g , BC=a, SC=2a va 5'/64 =30°. Tinh ban kinh R cta mit ciu ngoai
tiép tr dién S.4BC.

A. R=a3. B.R:“\E. C.R=a. D.R:%.

d

Chon C



Ta co6:

o AC=5C.cos30° =a/3.

o AB*+BC*=2a>+a’ =3a> = AC> = AABC la tam giac vudng & B.
Goi H, I lan lugt 1a trung diém cta AC, SC. Khi d6 ta co:

e H latam duong tron ngoai tiép A4BC.

o IH J_(ABC).

Do d6 I 1a tAm mit cau ngoai tiép hinh chép SABC. Suy ra R = %SC =a.

Viy R=a.

Cau 6: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Mét khéi tru cé thé tich bing 167. N&u chidu cao khai
tru ting 1én hai [an va gilt nguyén ban kinh day thi dwoc khdi tru méi cé dién tich xung quanh bang
167. Ban kinh day cla khai tru ban dau 13
A.r=1. B. r=4. C. r=3. D. r=8.
Loi giai

Chon B

Thé tich khéi tru: V =zr°h=167 = h= lr—f

Néu chiéu cao khdi try ting 1én hai lan va giit nguyén ban kinh ddy, suy ra:
Dién tich xung quanh: S =27zr. 2’;16 =lor =>r= % =4

Cau 7: (SGD Ba Ria Viing Tau-deé 2 nam 2017-2018) Cat mot khéi tru bdi mot mat phang qua truc ta dugc
thiét dién 13 hinh chit nhat ABCD c¢6 canh AB va canh CD nam trén hai day cla khdi tru. Biét

AC = a2, DCA =30° . Tinh thé tich khéi tru.

A. ﬂm‘ﬁ. B. ﬁmf. C. n=8. D. ﬂmf.
16 16 48
Loi giai
Chgn A



Tam gidc ADC vuodng tai D co:
a6

2 DC=AC.cos30° < DC = 5

a2

S AD=ACsin30° < AD = 7

Khi d6 hinh tru da cho c6 h= AD, rzéDC.

W2,

Vay thé tich khdi tru V = zr2h = Yﬁa

Cau 8: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Cho hinh l&ng try ding ABC.A'B'C' c6 ddy ABC la
tam gidc vudng tai 4. Biét AB=AA'=a, AC =2a.Goi M |a trung diém cla AC . Thé tich khéi
cau ngoai ti€p tir dien MA'B'C’ bang

3 3 3 3
A. 557 ) B. Vara ) C. 4ra . D. 3ra .
6 3 3 3
Loi giai
Chon A

Goi [ 13 trung diém cta canh B'C’. Khi d6 I 13 tdm duwdng tron ngoai tiép A4A'B'C’.

Goi M' latrung diém cla canh A'C’. Khi dé MM'J_(A'B'C').

Do MA'=MC'=a~2 nén AMA'C" vudng tai M . Do d6 M’ I3 tdm dudng tron ngoai tiép
AMA'C'.

“ ’ “ BC av5
Do dé [ 1a tdm mat ciu ngoai tiép tir dién MA'B'C'. Ban kinh m3tcaula r=IB'= — :i. Do

3 5J57a°
P

. . 4
dé thé tich khéicaula V = Eﬂ'r



Céu 9: (THPT Lé Quy Dén-Ha Noi nam 2017-2018) Cho khdi cau (S) c6 thé tich bing 367 (cm®).
Dién tich mit cau (S) bang bao nhiéu?

A. 641 (cmz). B. 187 (cmz). C. 3671 (cmz). D. 27z (cmz).

Chon C

Thé tich khdi cau bang 367 = gnﬁ =36r =1 =27T=r=3.
Vay dién tich mat ciu (S) la: S=4nr* =4r.3* =367 (cm2 )

Cau 10: (THPT Lé Quy Don-Ha Noi nam 2017-2018) M6t hinh try ¢6 truc OO" chtra tm ctia mot mat
cau ban kinh R, cac duong tron day cta hinh try déu thudc mit cau trén, duong cao cua hinh
try dung bang R . Tinh thé tich ¥ cua khdi try?

3 3 3
A.V=3”4R . B. V=7R’. C.V:ﬂf . D.V:’T;2 .

Loi giai

Chon A

Puong kinh day cua khoi try 27 = 1/(ZR)2 —R*=R3=>r :RT\E.

2
R3 J 3R}
| R= .

Thé tich cta khéi tru V = zr2h = 7{ 2

Ciu 11: (THPT Ha Huy Tap-Ha Tinh-lan 2 nam 2017-2018) Mot hinh nén ¢6 dudng cao h=4cm,
ban kinh ddy » =5cm . Tinh dién tich xung quanh cta hinh nén do.
A. 57-/41. B. 157. C. 47+/41. D. 207 .
Loi giai
Chon A



Hinh nén c¢6 duong sinh / =\/h2 +r’ =\/42 +5% =4/41.
Dién tich xung quanh cta hinhnénla S, =7zrl = 5741

Cau 12: (THPT Ha Huy Tap-Ha Tinh-lin 2 nim 2017-2018) Cho hinh chép S.ABCD déu c6 day
ABCD 1a hinh vudng canh a, canh bén hop voi day mot goc bang 60°. Goi (S) 1a mat cau
ngoai tiép hinh chép S.4BCD . Tinh thé tich ¥ cua khdi cau (S )

3 3 3 3
A. V:8£’m . B. V=4‘/€”a . C. V=4‘B”a : D. V:g\/g,m .
27 9 27 9
Loi giai
Chon A

Goi O la tm ciia hinh vuéng ABCD. Do S.ABCD 14 hinh chép déunén SO L (ABCD) hay
SO 1 truc ciia duong tron ngoai tiép day.

Trong mit phang (SBO) ké dudng trung tryc A ciia canh SB va goi 7 = A SO khi d6 ta cé
I 1a tim mat cau ngoai tiép hinh chép S.4BCD .

Theo gia thiét ta c6 S.4ABCD 1a hinh chop déu va goc gitta canh bén véi mdt phang day bang
60° nén SBO = 60°.

Ta cd ASMI ~ ASOB nén S—M = ﬂ < ST = SM 5B .
SO  SB SO
Vi SO = OB tan 60° <> SOz#; SB=OBcos60° < SB=aN2: SM = a*f
Véy S SM.SB _ a\/E'
SO 2

4 4 (a\/gj _ 8J6ra’ '

Thé tich khdi cau ngoai tiép hinh chop S.ABCD 1a V = §7Z'R3 = Eﬂ' 5 >



Cau 13: (THPT Ha Huy Tap-Ha Tinh-Ian 2 nam 2017-2018) Khi quay tir dién déu ABCD quanh truc
AB ¢6 bao nhiéu khdi nén khac nhau duoc tao thanh?
A. 3. B. 2. C. 1. D.O.
Loi giai
Chon B

D
Goi E la trung diém AB thi 4B 1 (DEC)=>Cé 2 khoi nén dugc tao thanh.

Cau 14: (THPT Ly Thai T6-Bac Ninh-Iin 1 nam 2017-2018) Cho hinh chép déu S.4BCD c¢6 canh day
2a va canh bén a+/6 .Tinh dién tich cia mit cAu ngoai tiép hinh chop S.4ABCD .

A. 187a’. B. 184°. C. 94>, D. 9za*.
Loi giai

Chon D

Goi 463,51 1a tam hinh vuéng ABCD, M 1a trung diém ciia SC . Trong mit phang (SOC)
dung dudng thang qua M va vudng goc véi SC cit SO tai 1. Khi do I 1a tim mat cdu ngoai
tiép hinh chop S.ABCD va ban kinh r =57 .
Xét tam giac vuong ABC taco: AC = 2\2a.
Xét tam giac vudng SOC ta c6: SO =+/SC* -0C* =2a.

SM ST SM.SC _ 3a

Xét ASMI -~ ASOC ta co:— =8 = —.
SO SC SO 2

2
Vay dién tich mat caucantimla S =4r (%lj =97a>.
Cau 15: (THPT Ly Thai T6-Bac Ninh-Ian 1 nam 2017-2018) Cho hinh chép S.4BC c6 day ABC la
tam giac vuéng tai B voi AB=a, BC= a3 . Canh S4 vudng géc voi mit phing day va
SA =2a+/3 .Tinh ban kinh R cta mit cAu ngoai tiép hinh chép S.4BC.

A. R=a. B. R=3a. C. R=4a. D. R=2a.
Loi giai



Chon D

Taco S4 J_(ABC ) nén tam gidc SAC vudng tai A = diém A thudc mit cau tim / duong
kinh SC (1).
Mat khac ta lai co:

BC 1 AB
{BC 184
cau tam / duong kinh SC (2).

Tir (1) va (2) ta c6 bon diém A4, B, S,C cung thuoc mit cau tim 7 duong kinh BC.
Xét tam giac vudng ABC tacd AC* = AB> + BC* =2a.
Xét tam giac vudng SAC c¢6 SC* = 84> + AC* =16a° = SC =4a .

Viay ban kinh mit cau ngoai tiép hinh chop S.ABC 1a R = B—2C =2a.

=BC L (SAB) = BC 1 SB hay tam giac SBC vudng tai B = diém B thujc mat

Cau 16: (THPT Ly Thai T6-Bac Ninh-Ian 1 nam 2017-2018) Cho phuong trinh

7”}(3‘73);24&‘72 1

log ‘m3‘—3m2 +1‘+2

2 g (I =32 +1]+2) +2 =0

Goi S 1a tap hop tat ca cac gia tri m nguyén dé phuong trinh da cho c6 s6 nghiém thudc doan
[6;8]. Tinh tong binh phuong tit ca cac phan tir ctia tap S .

A. 20. B. 28. C. 14. D. 10.
Loi giai
Chon A
Ta o 2—Hm3‘73m2+1‘.10g81 (Hxs‘_?’xz +1‘+2)_’_2’”)(3‘*&%1‘72.10& ‘ 3‘ 3 12 1‘ : _
m’|=3m’ +1]+
PN 2HX3‘73x2“‘+2'10g3 ( ‘x3‘ 3 1‘ i 2) _ 2“m3‘73m2+1‘+2_10g3 (an‘ —3m’ + 1‘ + 2) .

Xétham so f(r)=2"log,t v6i t=2; Taco f'(t)=2" ln2.log3t+2’.%>Osz2.
n

Suy ra ham s6 f () dong bién trén (2;+0).

Do d6 phuong trinh twong duong véi ‘ ‘x3‘ —-3x7 + 1‘ (1).

1713‘—37112 +1‘=

V& db thi ham s g(x)=2x*—3x>+1 tir 46 suy ra d thi |g(x)| va dd thi cua \ g(|x|)‘ nhu hinh

VE.



Tir d6 thi suy ra (1) c6 6,7,8 nghiém < 0< ‘g(|m|)‘ <3.

Tu dd thi suy ra cac gia tri nguyén cia m la -3, -1, 0,1, 3.
Vay §=20.

Céu 17: (THPT Ly Thai Té-Bic Ninh-lan 1 nam 2017-2018) Mot hinh try ¢ duong cao 10 (cm)va
ban kinh day bang 5(cm).GQi (P) 1a mat phang song song véi truc cua hinh tru va cach truc
4(cm). Tinh dién tich thiét dién cta hinh tru khi cdt béi (P).
A. 60(cm’). B. 40 (cm®). C. 30 (cm?). D. 80 (cm®).
Loi gidi
Chon A

re
AA' =10 cm.

OA=5cm.

Ol =4 cm.

AB=2AI =225-16 =6 cm.
Ciu 18: (THPT Phan Chau Trinh-DakLak-lin 2 n3m 2017-2018) Mit céu (S) co dién tich bang
1007 (em”) thi c6 ban kinh Ia
A. 3cm. B. \Ecm. C. 4cm. D. 5cm.
Léi giai
Chon D
Taco §=47R* =1007(cm’ )< R=5(cm).

Cau 19: (THPT Phan Chau Trinh-Daklak-lan 2 n3m 2017-2018) Cho hinh ling try tam giac déu
ABC.A'B'C" ¢6 d6 dai canh day bang a va chiéu cao bang /. Tinh thé tich ¥ cua khdi tru
ngoai tiép lang try da cho.



D. V =3zd*h.

Loi giai
Chon C

a3

Bén kinh dudng tron ngoai tiép tam giac déu canh g 14 R =——.

Chiéu cao khéi try bang chiéu cao khdi lang try bang 7 .

3a Jz he za’h
3 .

Thé tich khéi tru 1a ¥V = zR?h :>V:7z[ 3

Cau 20: (THPT Kinh Mén-Hai Dwong lan 1 nam 2017-2018) Cho tir dién déu ABCD. Khi quay tir
dién do6 quanh truc 4B c6 bao nhi€u hinh non khac nhau dugc tao thanh?
A. Mat. B. Hai. C. Khoéng c6 hinh nébn nao.  D. Ba.
Loi giai
Chon B
B

D
Goi E 1a trung diém 4B thi 4B L (DEC)=>C6 2 hinh nén dugc tao thanh.

Ciu 21: (THPT Hoéng Linh-Ha Tinh-Ian 1 nam 2017-2018) Mgt hinh nén tron xoay ¢6 dudng sinh
bang hai 1an ban kinh day, dién tich dy ciia hinh noén bang 127 . Thé tich ctia khdi non bang
A. 1637 B. 24r. C. 837, D. 9\37.
Loi giai
Chon B

Taco S=rxR>=127 < R=2y3 =1=2R=43 nén h=./I>—R, =/48—12=6.

Viy thé tich khdi non1a V = %ﬁth =24r.

Céu 22: (THPT Hong Linh-Ha Tinh-lan 1 nam 2017-2018) Cho mit cau () tAm 7. Mot mat phang
(P) céch I mét khoang bang 3(cm)cit mit cau (S) theo mot dudng tron di qua ba diém 4,
B, Cbiét AB= 6(cm), BC =8(cm), CA=10(cm). Dién tich cua mit cu (S) bang
A. 687 cm’. B. 207 cm®. C. 136z cm”. D. 3007 cm”.
Loi gidi
Chgn C
Goi S 1a dién tich tam giac ABC va R ban kinh duong tron di qua ba diém 4, B, C.
s =12(12-6)(12-8)(12-10) = 24




oo 6810

4.24
Khi d6 ban kinh mit cu r=~/5* +3° =/34
Dién tich cita m3t céu (S) bing § = 47" =4.7.(\/34 )2 =136zcm’.

Cau 23: (THPT Lé Quy Pon-Hai Phong Ian 1 nam 2017-2018) Cho mot hinh nén dinh S c¢6 chiéu cao
bang 8cm, ban kinh ddy bang 6cm . Cat hinh nén da cho bdi mdt mat phang song song véi
mat phang chira ddy dugc mot hinh nén (N ) dinh S c6 duong sinh bang 4cm . Tinh thé tich
ctia khdi non (N) .

B. V—L867rcm3. C.V= 23047rcm3 D.V

= 125 ' 125 125 ' 125
Loi giai

Duong sinh ctia hinh non 16n1a /= SB =vA> +1> =8 +6> =10cm.
Goi 1,, r,, h, 1an lugt la dudng sinh, ban kinh day va chiéu cao cuia hinh nén (N).

l,=SK =4cm

Ta c6: ASOB va ASIK dong dang nén: ﬁ=£=&=i=%.
SO OB SB 10 5
b2, 16
o L_4_ 2 17 5 5
h r I 10 5 2 12
r=—r=—
5 5

—=—T
3 5 5 125
Cau 24: (THPT Lé Quy Do6n-Hai Phong Ian 1 nam 2017-2018) Cho hinh chit nhat ABCD ¢6 AB=a,
AD =2a.Goi M, N Ian lugt |a trung diém cla cadc canh BC va AD . Khi quay hinh chit nhat trén

2
Thé tich khéi nén (N)1a ¥, = %.m;.hz = l.ﬂ.(EJ 10 _ 708 em,

(k& ca cac diém bén trong clia nd) quanh duwong thing MN ta nhan dwgc mot khéi tron xoay (T)
Tinh thé tich cla (T) theo a.

4ra’ B. a

3 3

A. C. za’. D. 4rza’.

Chon C



a7 N D

|
|

B C

Thé tich khdi tron xoay (T') 1a V = 7a’.a = na’ .

Cau 25: (THPT Lé Quy Don-Quang Tri-lz‘in 1 nim 2017-2018) Tinh dién tich mit cau ngoai tiép mét
hinh lang tru tam giac déu c6 cac canh déu bang a.

2 2 2 2
AL 79 B. %% c. 7¢ p. %%
=3 6 5 7
Chon A

Tam mit ciu ngoai tiép hinh lang tru tam giac déu 13 tAm cua hinh lang tru tam giac déu do.

3] 6

2
Khi d6, ban kinh mit cdu la R = \/(%) J{

2
2
Dién tich mat cau: S =47R> = 47{‘1?] = 77;41 .
Céu 26: (THPT Lé Quy Pon-Quing Tri-lan 1 nim 2017-2018) Cho hinh chép S.ABCD co day
ABCD 14 hinh vuéng canh a, tam giac SAB 1a tam giac déu nam trong mat phang tao voi day
mot goc 60°. Tinh thé tich khdi chép S.4BCD .
3 3 3 3
A Y3 B. 3% c. a3 p. L.
4 4 6 4

Loi giai

Chon D



C*
Goi / 1a trung diém cta AB va H 1a hinh chiéu vudng géc cta S 1én mit phang (4BCD).
aV3 a 3sin60°=3—a.

2 2 4

Tam giac SAB déu canh a nén SI = = SH =

Thé tich khdi chop S.ABCD 1a V =~ SH.S ) =~ 2% 4 = L2,
3 3 4 4
Cau 27: (THPT Lé Quy Pon-Quing Tri-lin 1 nim 2017-2018) Cho mot khdi non ¢ ban kinh day 1a
9cm, goc gitta duong sinh va mat day 1a 30°. Tinh dién tich thiét dién cta khdi nén cét boi
mit phang di qua hai duong sinh vudng goc voi nhau.

A. 27(em?). B. 162(cm’). C. 277(cm2). D. 54(cm?).

Loi giai

Chon D

Mit phang di qua hai duong sinh vuéng goc 1a S4 va AM cat khoi non theo thiét dién 1a tam
giac SAM .

Goc gitra duong sinh va mat day la SAO =30°.



r 9
Tacod SM =S4 = = =63.
cos30° 3

Vi S4 L AM nén tam giac SAM vudng tai S'.

Do d6 dién tich tam gidc SAM 1a S = %SA.SM = 54(cm’).

Cau 28: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Cho hinh tru c6 ban kinh bang a. Mot mat
phang di qua cic tdm ciia hai day va cat hinh try theo thiét dién 1a hinh vudng. Thé tich cua

hinh try bang
3
A. 24°. B. 7d’. C. 27a°. D. 2’; “
Loi giai
Chon C

Ban kinh cua hinh trula » =a .
Chiéu cao ctia hinh tru 13 2 =2r =2a.
Vay thé tich caa hinh tru 1a V = zr*.h = 7a* 2a = 27a’ .

CAu 29: (THPT Phan Dinh Phiing-Ha Tinh-lin 1 nam 2017-2018) Cho khbi nén c6 ban kinh ddy R,
d6 dai duong sinh /. Thé tich khéi non 1a

A. %ﬂRzl. B. 7R’I. C. %ﬂ'Rz I’-R*. D.zRNI’-R.

Loi giai
Chon C
Puong cao khéi non i =+/I> — R

Thé tich khdinon V = %Sh = %;;sz/zz —R*.

Cau 30: (THPT Phan Pinh Phiung-Ha Tinh-Ian 1 nam 2017-2018) Thé tich khdi try tron xoay sinh ra
khi quay hinh chit nhat ABCD quay quanh canh AD biét AB=3, AD=4 la
A. 48r. B. 36x. C. 12rx. D. 72rx.
Loi giai
Chon B
Tacd r =3, h=4 nén thé tich khdi tru tron xoay sinh ra khi quay hinh chit nhat 4BCD quay
quanh canh AD 1a V =zr’h =n.3°.4=361.

Cau 31: (THPT DPtrc THo-Ha Tinh-Ian 1 ndm 2017-2018) Cho hinh nén (N) ¢6 ban kinh dudng tron
day R=2 vado dai duong sinh / =4. Tinh dién tich xung quanh S cta hinh non (N).



A. S =4r.

xq

I®
[9%)

L, =87 C. s, =16x. D. S, =8.
Loi giai

Chon B

Ta c6 dién tich xung quanh ctia hinhnénla S=7.R/=8x.

Céu 32: (THPT Chuyén Thai Binh-1an 4 nim 2017-2018) Cho hinh tru c¢6 hai day 1a hai hinh tron (0)
va (0'), chiéu cao 2R va ban kinh ddy R. Mot mét phang () di qua trung diém cia 00" va
tao voi OO" mdt goc 30°. Hoi (a) cat duong tron day theo mot diy cung c6 do dai bang bao
nhiéu?

A 2RV2 5 4R 2R

2R
L —. cC. —. D. —.
3 33 3 3

L& gidi

Chon A

Q

_L‘::\_-E_____v_\_\__-

/
AN

Q

Goi M la trung diém cia OO'. Goi A, B la giao diém cia mit phing () va dudng tron

(0) va H 1a hinh chiéu cua O trén 4B = AB J_(MHO).

Trong mit phang (MHO) ké OK L MH, (K € MH) khi d6 géc gitta OO’ va mit phing
(a) la goc 07\-47( =30°.

R3

Xét tam giac vuong MHO ta cé HO = OM tan30° = Rtan30° = =
2
Xét tam gidc vuéng AHO tacé AH =~ OA>* —-OH* =,|R? —R? =R—\/\/§E.

2RV2
e

Ciu 33: (THPT Chuyén Hing Vuong-Phti Tho-lan 2 nam 2017-2018) Cho hinh chép S.4BCD déu

Do H latrung diémcha AB nén AB =

cd AB=2 va SA=3+/2 . Ban kinh cia mat ciu ngoai tiép hinh chop da cho bang



A. ﬁ B 7 C.2 D 2
4 4 4
Loi giai
Chon D

Cho hinh chép tir giac déu S.ABCD . Goi H la tam day thi SH 14 truc cua hinh vuéng 4BCD .
Goi M 14 trung diém cia SD, trong mp (SDH) ké duong trung truc cia doan SD cit SH tai
O thi OS =04=0B=0C =0D nén O chinh 12 tim ctia mit cau ngoai tiép hinh chop
S.ABCD . Ban kinh mit cdula R = SO.

2
Ta c6 ASMO# ASHD = g_g _SM SD.SM _ SD

= R=S0= = .
SH 2SH

Véi SH> =SD* - HD*> =18-2=16 = SH =4,
SD* 9

Vay R = =—.
2SH 4

C4u 34: (THPT Luc Ngan-Béc Giang-lan 1 nam 2017-2018) Mét hinh nén cé chiéu cao bing a\/g va ban
kinh day bang a . Dién tich xung quanh cla hinh nén bang
A. 27d’. B. \37d*. C. za’. D. 3za’.
Loi gidi
Chon C



Hinh nén c6 duong sinh [ =~/h* + 7 :,[(a\/g)2+a2 =2a.

Dién tich xung quanh cua hinhnénla S, =7zrl = 2ra’.

C4u 35: (THPT Luc Nga_m-Béc Giang-Ian 1 nam 2017-2018) Cho hinh lap phwong cé canh bang 1. Dién tich
clia mat cau ngoai tiép hinh 1ap phuong dé bang
A. 3r7. B. 12x. C. r. D. 6r.
Lo gidi
Chon A
Puong chéo hinh 1ap phuong bang 1> + 1> +1* = V3.

Ban kinh mat cau ngoai tiép hinh lap phuong 1a R = 73

\/SJZ =3z

Dién tich ctia mit cau ngoai tiép hinh 1ap phuong d6 bang S = 4zR* = 4x [7

Céu 36: (THPT Luc Ngan-Béc Giang-lan 1 nam 2017-2018) Cho hinh I3ng tru tam gidc déu ABC.A'B'C’
c6 d6 dai canh ddy bang a, chiéu cao 13 /. Tinh thé tich V' cla khéi tru ngoai ti€p hinh Idng truy.

2 2
A.Vzﬂah E.Vzmgh. C.V=3ra’h. D. V =rxa’h.

Loi giai
Chon B



Goi G 1a trong tAm cua tam gidc ABC . Do ABC 1a tam giac déu nén G 13 tim dudng tron
ngoai tiép tam giac ABC.
2 2 a3 _ a3

Taco AG=—AM =—.
3 3 2 3

2
Viy thé tich ctia khdi tru ngoai tiép hinh ling tru 13 V = 7R*h = zah

Cau 37: (THTT s6 6-489 thang 3 nim 2018) Cho hinh lap phuong ABCD.A'B'C'D’ c6 canh a . Mot
khdi nén c6 dinh 1a tdm ciia hinh vuéng ABCD va day 1a hinh tron noi tiép hinh vudng

2
A'B'C'D' . Két qua tinh dién tich toan phan S, cua khdi nén d6 co dang bang %(\/Z + c) véi

b va c 1a hai s6 nguyén duong va b >1. Tinh bc.

A. bc=5. B. bc=8. C. bc=15. D. bc=T7.
Loi gii
Chon A
B C
|
| 2
| 71N
! / : \
A AN D
1 ’ 1 \
! //' : \
! ’ ! \\
1 ’ ! \
1 ’ ! \
| ’ I \
1 / 1 \
| ’ I \
n /I ' \\
(VA RN I o
iy 1 T~
8 1 i N
! b 3
N
/ \\ /,
’ S~ -
A’ D’

Ta c6 ban kinh hinh nén » = %, dudng cao h=a, duong sinh / = #.

az\/g az 7Z'Cl2
+”7 = 2 (\/§+1) =b=5,c=1.

Dién tich toan phan S, =mrl+ xrt=n1x
Vay bc=5.

Cau 38: (THPT Lé Xoay-Vinh phtic-Tin 1 nim 2017-2018) Cho lang try tam gidc déu ABC.4'B'C’ c6

canh d4y bang a, canh bén bang a~/3 . Dién tich toan phan cua ling tru 1a



2 2 2
7a°\3 3a\/7 DS—13a\/§.

A. S=3a3. B. S= . C.S= .S=
¢ = 2 2 4

Chon B

A '

B

2
A a~N3 o AL 21
Dién tich day SABC:T\/_,du_entlcthtmatben SABB,A,zaZx/g.

f 2\/5_7a2f

Viy dién tich toan phan cia ling try S = 2,42

Cau 39: (THPT Lé Xoay-Vinh phtic-Ian 1 nam 2017-2018) Cho hinh try c6 hai ddy 13 hai hinh tron tAm
O, O', ban kinh ddy bang chiéu cao va bang a, trén duong tron day tim O lay diém A, trén
duong tron day tim O’ 1ay diém B sao cho 4B =2a. Thé tich tir dién OO'AB 1a

3 3 3 3
a3 a3 V:a\/g. D.V:“f.

A V= . B. V= . C.
24 6 12
Loi giai
Chon C
B
=k I'n
:\\ "J ,”
—— ]G
L T [
: ‘\ 7 ('t
2 A |
/ : .r! “' t r:'é‘l?\\
{ S iy N ;’ )
S LZmAgFE)
\\\_\ S f,//
- A
Dung hinh chit nhat ADBC, ta cé: AD =a3, OA=0D=a, OE _%
1 1 [ 1 1 ! 3
Voous == Vomwoes =5 Sow00' =3 ADOEOO' = af Ja=—

CAau 40: (THPT Lé Xoay-Vinh phtic-Ian 1 nam 2017-2018) Cho hinh nén c6 ban kinh day bang 2 (cm),
goc & dinh bang 60°. Thé tich khdi nén 1a

A.V=@(cm3). B.V=@(cm3). C.V=87z\/§(cm3). Q.Vz@(cmﬂ.



Chon D

r

:>h:2\/§.

Ta c6 ban kinh day » =2, duong cao i =
tan 30°

Viy thé tich khdi nén ¥ :%71'7‘2}1 = %72'.4.2\/_ = 8”3\/5 (cm3) :
Cau 41: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Cho hinh 13p phuong ABCD.A'B'C'D' ¢6
Ova O' lan lugt 1a tAm clia hinh vuong ABCD va A'B'C'D'. Goi ¥, 14 thé tich khéi non tron
xoay c6 dinh 1a trung diém ctia OO’ va day 1a duong tron ngoai tiép hinh vuéng 4BCD; v, 1a
thé tich khdi tru tron xoay c6 hai day 13 hai duong tron ndi tiép hinh vuéng ABCD va
A'B'C'D'. Ti s thé tich 9 1a

2

A B.

NG
|~
IS
W | =

1
=
Loi giai
Chon D
Goi hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Khi d6

2 3 2 3
Tac(’)l/l:lﬂ' a\/E .g:ﬂ'a ’V'Z:ﬂ.(gj .a:”_a Suyra —lzl
3 2 2 12 2 4 v, 3

~

Ciu 42: (THPT Chuyén Ha Long-Quing Ninh lan 2 nam 2017-2018) M4t hinh try c6 dién tich xung
quanh bang 474 va ban kinh day laa. Tinh d¢ dai dudng cao ctia hinh tru d6.
A. 3a. B. 4a. C. 2a. D. a.
Loi giai
Chon C
Dién tich xung quanh hinh trula S, =27Rh

Theo dé bai ta c6 47a> =27Rh < h=2a.

Ciu 43: (THPT Chuyén Phan Bgi Chau-lan 2 ndm 2017-2018) Mt phéng di qua truc hinh try, cat hinh

try theo thiét dién 1a hinh vudng canh bang . Thé tich khdi tru d6 bang
3 3 3
wa ‘ C. wa ‘ D. za ‘
2 3 4
Loi giai

A. 7a’. B.

Chon D



Bén kinh cua duong tron day 1a » = %.
Chiéu cao cta hinh trula h=a.

2 3
Thé tich ctia khéi tru 1a V = zr2h = 7[(%) a="%.

Cau 44: (THPT Chuyén Hung Vwong-Gia Lai-lan 1 nam 2017-2018) Cho hinh chép S.ABCD cé day
ABCD la hinh chit nhat, AB =3, AD =4 va cac canh bén cta hinh chdp tao vdi day mét goc 60°.

Tinh thé tich cha kh6i ciu ngoai tiép hinh chép d3 cho.

2503 _1253 5003

. B.V . C.V=
3 6 27

Loi giai

AV =

Chon C

5043
=—7.

27

. D.V

Goi O=AC N BD . Do cac canh bén cta hinh chép tao véi ddy mét géc 60° nén SO L (ABCD)

hay SO 13 truc cia dudng tron ngoai tiép da gidc day.

Goi M la trung diém cta canh SB, trong mit phang (SBC ) ké duong thang quaM va vudng

goc voi SB cit SO tai I khidé tacod [A=IB=IC=ID=1IS
hinh chép S.ABCD .

Theo gia thiét ta c6 AB=3, AD =4 nén BO:% Ma goc gitra

60° hay SBO = 60° = sB=—22__5 :SO:ﬂ.

’

cos 60° 2

hay 7 13 tAm mit cAu ngoai tiép

SB va mit phang (ABCD) bang



55
SMSB 5 53

Soﬂ3
2

Taco ASMI ~ ASOB nén SI =

3
Vay thé tich cda khéi cau ngoai tiép hinh chop S.ABCD 1a V =§7{5\?{§j = 50;)7\/5 .

Cau 45: (THPT Chuyén Tran Pha-Hai Phong-1an 2 nam 2017-2018) M6t t& dién déu canh a cé mét dinh
trung véi dinh hinh nén, ba dinh con lai ndm trén duong tron ddy cla hinh nén. Khi d6 dién tich xung

quanh cta hinh nén bang

3 2, B. %ﬁaz. C. ﬁﬂaz. D. \37a’.

A. —ma
2 3

Loi giai

Chon C

Goi tt dién déu canh a 1a ABCD, O 1a tim duong tron day cia hinh non.
g a\/gJ \/g )

Dién tich xung quanh cua hinhnonla S =7zrl =7.BO.AD = ﬂ( "N a=—rma

3

Cau 46: (THPT Chuyén Tran Pha-Hai Phong-lan 2 nam 2017-2018) Cho hinh try cé ban kinh day la
R =a, mit phing qua truc cit hinh tru theo maot thiét dién cé dién tich bing 8a”. Dién tich xung

quanh cla hinh tru va thé tich cta khéi tru [an luot 13

A. 87a?, 4ra’. B. 67a’, 67a’. C. 167a’*, 167a°. D. 67a’, 3za’.
L& gidi
Chon A
Hinh v& thiét dién:
A 1 B
D C




Theo gia thiét hinh tru cé ban kinh day 1a R = a suyra IB = R = a . Vi mit phang qua truc cit hinh try
8a’

theo mat thiét dién c6 dién tich bing 8a” nén h=BC = 2— =4q.
a

Vay dién tich xung quanh cla hinh tru va thé tich cta khéi tru Ian luot 13
S, =27Rh= 8za’, V =nR*h=4ra’.

Cau 47: (PTNK-DHQG TP HCM-I4n 1 nam 2017-2018) Cho hinh nén c6 chiéu cao bang 3 (cm), goc
giita truc va duong sinh bang 60°. Thé tich khdi nén bang
A. V=97 (cm’). B.V =54z (em*). C.V=187(cm’). D.V =27z (em’).
Loi giai
Chon D
Goi R la ban kinh ctia hinh nén. Khi d6, ta ¢6 tan 60° = ? = R=3.tan60° = 3x/§ .

9 7 N 2
Vay thé tich khoi nén bang ¥ Z%-E-RZ -h :%-ﬁ-(%/g) 3=27rx (cm3).
(Thiéu v& hinh)

Cau 48: (PTNK-DHQG TP HCM-I4n 1 nam 2017-2018) Quay mdt miéng bia hinh tron c6 dién tich

1677a* quanh mét trong nhitng dudng kinh, ta dugc khéi tron xoay co thé tich 1a

A. ﬁmf. B. %mf. C. @mf. D. 27ra3.
3 3 3
Loi giai
Chon C

Goi R 14 ban kinh dudng tron. Theo gi thiét, ta cd S = 7R* =167a> = R=4a.
Khi quay miéng bia hinh tron quanh mét trong nhitng dudng kinh cta né thi ta duge mot khdi

cau. Thé tich khdi cdunay 1a ¥ =§'7Z'R3 =§'7r'(4ar)3 =@7ra3.

Cau 49: (PTNK-DHQG TP HCM-Ian 1 nam 2017-2018) Cho hinh tru (7) c6 day la cac duong tron
tim O va O', ban kinh béng 1, chidu cao hinh tru béng 2. Céac diém A, B lan lugt ndm trén
hai dudng tron (O) va (O') sao cho goc (04,0'B)=60°. Tinh dién tich toan phan cia tir dién
OAO'B.

4+-19 _4+\/E 34419

C.S=

142419

B. S D. §

A S=

2 4 2 2
Loi giai

Chon A




Goi B' 1a hinh chiéu ciia B trén mit phang chia duong tron (0), khi do
(04,0'B)=(04,0B")=60°. Suy ra AOB'=60° hodc AOB’' =120°.

Goi H 13 1a hinh chiéu ctia B’ trén OA. Trong ca hai truong hop, ta d& c6 HB' = ¢

V3 ve
2

hinh)

BH =\ HB" + BB = %+4 :@.

Goi S 1a dién tich toan phan ctia tir dién O4O'B thi

S=8 100 +Suios +Suios + Ssoor = 2(Snioo + Sasos) =2 G 0A4.00' +%OA.BH)

22(1 1 \/EJ:4+JE

—.12+—.1.
2 2 2 2

Cau 50: (PTNK-DHQG TP HCM-I4n 1 nam 2017-2018) Cho hinh chép déu S.4BC c6 canh day bang
a.Goi M, N, P lan luot 1a trung diém cua S4, SB, SC. Dung mot hinh tryu c6 mét day l1a
duong tron ngoai tiép tam gidc MNP, mot day thudc mat phang (ABC ) Biét dién tich xung
quanh ctia hinh try bang tong dién tich hai ddy. Tinh thé tich hinh chép S.ABC.

3 3 3 3

AL B. —. c. <. D. =
4 — 12 8 6
Loi giai
Chon B
S
M P
A C
B
Tam gidc MNP c6 canh la %.
Duong tron ngoai tiép tam gidc MNP s& c6 ban kinh R = %%? = %
a3

Goi / la chiéu cao lang tru. Vi S, =2S, nén 27Rh=27R < h=R < h= —~

a3
3

Hinh chop ¢6 dién tich tam gidc ABC la ?az va chiéu cao 1 2/ =

i 1\/3 a\/g a’
DOdO VSABCZE‘T‘az‘T 12



Céu 51: (SGD Pht Tho - Ian 1 - nam 2017 — 2018) Cho lang try dimg ABC.A'B'C’ ¢6 d6 dai canh bén
bang 2a, ddy ABC 1a tam gidc vudng can tai 4, goc gilta AC" va mit phang (BCC'B’) bang
30° (tham khao hinh v&). Thé tich ctia khdi tru ngoai tiép lang try ABC.4'B'C’ bang

B C

\,

B C'
O
A!
A. na’. B. 27a’. C. 4ra’. D. 3za’.
Loi giai
Chon C
B 1 C
A AN \\

Goi ban kinh ctia hinh tru laR .

Ta ¢6: CC' L(ABC) = CC' L Al .

Lai c6 tam gidc ABC la tam gidc vuéng can tai 4 nén A/ 1 BC do d6 Al L (BCC'B') hay
goc gitta AC’ va mat phing (BCC'B') 13 IC'A .

Xét tam giac AIC" tacod: IC' = Ai\ =R\3.
tan IC'A

Xét tam giac CIC' taco: IC” =IC* +CC” < 3R’ =R*+4a° = R=a"/2 .
Thé tich khi tru ngoai tiép ling tru ABC.A'B'C' 1a V = zR*.h =4rd’.
Cau 52: (THPT Chuyén PH Vinh - [in 1 - nam 2017 — 2018) Cho hinh try c6 ban kinh day bang R,
chidu cao bang 4. Biét rang hinh try d6 c6 dién tich toan phan gip doi dién tich xung quanh.
Ménh d& nao sau day ding?
A . R=h. B. R=2h. C. h=2R. D. h=2R.
Loi giai
Chon A
Taco: §,=25 < 27R* +27Rh=227Rh < R=h.

Cau 53: (THPT Yén Lac — Vinh Phiic — I4n 4 - nam 2017 — 2018) Hinh nén c6 duong kinh day bing 8,
chiéu cao bang 3 thi dién tich xung quanh bang
A. 127. B. 157. C. 24r. D. 207 .
Loi giai
Chon D



Ta c6 duong kinh day bang 8 nén ban kinh day 1a » =4 = duong sinh [ =+/3° +4*> =5
Ap dung cong thirc tinh dién tich xung quanh cua hinh nén ta c6 S, =mrl=20rx.

CAu 54: (THPT Yén Lac — Vinh Phiic - [4n 4 - nim 2017 - 2018) Tinh dién tich S cta mit ciu ngoai tiép
hinh chép S.ABC c6 SA=6, SB=8, SC=10 va S4A, SB, SC d6i mdt vuong goc.
A. S=100rx. B. S=400rx. C. §=200r. D. §=150x.
Loi giai
Chon C

M

A

Ta c6 ban kinh mit cau ngoai tiép hinh chép SO = %x/SAQ +SB*+5C* =542
Dién tich mit cau S =47R* =200 .

Cau 55: (THPT Héng Bang — Hai Phong — nam 2017 — 2018) Cho hinh tru c6 tinh chat: Thiét dién
cua hinh tru va mat phéng chtra tryc cua hinh try 1a hinh chit nhat c¢6 chu vi 1a 12 cm. Tim gia
tri 1on nhét cta thé tich khéi tru.

A. 87(cm’). B. 167 (cm’). C. 327(cm’). D. 647 (cm’).
Léi giai
Chon A
Goi x (cm), x>0 1a ban kinh day cua hinh tru.
12—-4x

Chiéu cao cua hinh tru 1a

=6-2x (cm).

3
Thé tich khéi try ¥ = 7x”.(6 - 2x) = 7xx.(6—2x) < n(wj =87 (cm’).

3
Do d6 khdi tru c6 thé tich 16n nhét bang 872'(01’1’13) khi x=2(cm).

Céu 56: (THPT Quang Xwong I — Thanh Hoéa — nam 2017 — 2018) Cho hinh try c6 ban kinh day
bang a, dién tich toan phan bang 874 . Chiéu cao ciia hinh try bing
A. 4a. B. 3a. C. 2a. D. 8a.
Loi giai
Chon B
Goi 4 1a chiéu cao cua hinh tru

Ta co Stp =2rah+2ra’ = 87a® =2xah+2xa* = h=3a.



Cau 57: (THPT Quang Xwong I — Thanh Héa — nam 2017 — 2018) Dién tich xung quanh cua hinh
noén duge sinh ra khi quay tam gidc déu ABC canh a xung quang duong cao AH 1a

2 2
A. 7d®. B. 7& . C. 2zd*. p. N3
2 2
Loi gidi

Chon B

T T L E T

T
a

.

Hinh nén dugc sinh ra khi quay tam giac déu ABC canh a xung quang duong cao AH c6 ban
kinh day 1a HC va c6 d6 dai duong sinh 1a AC .
2
ma

S, =mrl=mHCAC =z %a="2
27 2

Cau 58: (SGD Bic Giang — nam 2017 - 2018) Db thi ciia ham sb nao dudi day c6 tiém cin ngang?

A. y=3x+l. B. y=x"-2x"+3x+2.
x—1
2
C. y= * . D. )}:Lx—i_1
1-x° x=2
Loi giai
Chon A
Vi lim 3x+11 =3 nén do thi ham s6 y = Sx+l c6 ti€ém can ngang.
x—oFo x — X —

Cau 59: (Chuyén DB Song Hong —Lan 1 nam 2017 — 2018) Cat hinh nén bi mot mat phang di qua
truc ta duge thiét dién 1a mot tam giac vuong can c6 canh huyén béng a\/g . Tinh thé tich V'
cua khéi non do.

za*\6 za*\6 za*\6 za*\6

A. V= . B. V= . C.V= . D. V= .
4 2 6 3
Loi giai
Chon A
h
2r

a6 _za’\6

Khéi nén c6 2r:a\/€<:>r:T va h=r suy ra thé tich VZ%iﬂ”zh— 2




Céu 60: (Chuyén DB Song Hong ~Lan 1 nam 2017 — 2018) Cho hai mit phiang (P) va (Q) vudng
goc véi nhau theo giao tuyén A. Trén duong A liy hai diém A4, B véi AB=a. Trong mit
phiang (P) lay diém C va trong mit phing (Q) lay diém D sao cho AC, BD cing vudng
g6c v6i A va AC = BD = AB. Ban kinh mit cu ngoai tiép ta dién 4BCD la
A O3 B, 93 C. a3 p, 203

et B.—~. . . -3
Loi gidi

Chon B

D
Ta c6 hai mit phang (ABC) va (ABD) vudng goéc voi nhau theo giao tuyén 4B ma
CA1l AB= CA J_(ABD) suyra CA L AD.

Tuong tu, ta cling c6 DB 1 BC.
Hai diém 4, B cung nhin doan CD dudi mot goc vuong nén bbn diém A, B, C, D nam
trén mit cu duong kinh CD, tam [ 1a trung diém CD.

Xét tam gide vudng ACD , ta cé CD =~ AC* + AD* =a’ +2a> =a 3 .

a3

Vay ban kinh mit cau ngoai tiép tir dién 4BCD 1a R = 5

Cau 61: (THPT Chuyén Thoai Ngoc Hiu — An Giang - Lan 3 nam 2017 — 2018) Cho hinh chép S.ABCD
c6 day 1a hinh vudng canh 22 , canh bén S4 vudng goc v6i mat phing ddy va S4=3. Mt
phing (a) qua A va vudng goc v6i SC cit canh SB, SC, SD lan luot tai cac diém M, N,
P . Thé tich V' ctia khdi cau ngoai tiép tir dién CMNP.

1257 32z

AV o 57 BV 1087 6427

D. V= .

C.V=

= 3 3 3
Loi giai

Chon B




Theo gid thiét mit phang () vudng géc voi SC néntacé AN L SC, AP L SC, AM L SC.

Mt khac BC L (SAB) nén BC L. AM = AM 1 (SBC)=> AM 1 MC.

Tuong tu ta cling chung minh dugc AP | PC.

Tir 46 ba diém M, N, P cung nhin AC dudi goc vudng nén bén diém C, M, N, P nim

trén miat cau dudng kinh 4C =4. Vay thé tich ctia khéi cau ngoai tiép tir dien CMNP la
N2

=22
3

Cau 62: (THPT Chuyén Thoai Ngoc Hau — An Giang - Lan 3 nam 2017 — 2018) Trong khong gian cho

tam giac ABC vudng tai 4 c6 AB =3 va ACB =30°. Tinh thé tich ¥ cta khéi nén nhan
duogc khi quay tam giac 4BC quanh canh AC .

A.V =5rx. B.V =9rx. C.V=3x. D.V=2rx.
Loi giai

Chon C

. . A , AB
Xét tam gidc vuong ABC taco AC = =3

tan 30°

Thé tich cia khéi nén nhan dwgc khi quay tam giac ABC quanh canh AC Ia

=%7Z'ABZ.AC =3r.

Cau 63: (THPT Chuyén Vinh Phiic — Vinh Phtic - Lan 4 nam 2017 — 2018)Cho hinh nén cé dién tich xung
quanh bang 57za” va ban kinh day bang a . Tinh d dai dwdng sinh clia hinh nén d3 cho?
A. av5. B. 3a+/2. C. 3a. D. 5a.
Loi gidi
Chon D

Ap dung cong thirc tinh dién tich xung quanh clia hinh nén S, =7RIl, néntaco:

j=u ST s,
TR 7ma
Cau 64: (THPT Kim Lién — Ha Noi - Lan 2 nam 2017 — 2018)Cho hinh chép tir giac déu S.4BCD
c6 tat ca cac canh bang 3. Tinh dién tich xung quanh ctia hinh nén c6 day 1a duong tron ngoai
tiép tir gidc ABCD va chiéu cao bang chiéu cao ciia hinh chép.
O _ N2z

A S, = B.S,=—,

C. S, =97. D. S, = o
' 2
Loi gidi
Chon D
32

Hinh n6n c6 ban kinh day 1a » = %AC = —

9\/§7r

Do dai duong sinh cua hinhnonla /=54=3.Dodé S, =7rl= 5

Cau 65: (THPT Tran Pht — Ha Tinh - Lan 2 nam 2017 — 2018)Cho hinh 1ap phuong c6 thé tich bang
644’ . Thé tich ciia khdi cau néi tiép ciia hinh Iap phuong d6 bang

l67a’ 64ra’ 32za’ _ 8ra’

A V= B. V= . C.V= . D.V
3 3 3

Loi giai



Chon C

SS
~.
- <= --

\
=
7

LeT TS
_,_I
1

-

Yse---
|
1
1
1
1
1
|
1
|
I
1
1
»
1
|
1
|

Khoi 1ap phuong 6 thé tich 64a” nén canh biang 4a. Khdi cau ni tiép hinh 14p phuong c6 ban
3
kinh R = 47“ =2a nén thé tich khdi cau V = %;;1@ - gﬁ(zaf _ 3273”1 ‘

Cau 66: (THPT Tran Pht — Ha Tinh - Lan 2 nam 2017 — 2018)Mot hinh tru c6 thiét dién qua truc 1a
hinh vuéng, dién tich xung quanh bang 36z4”. Tinh thé tich ¥ cua liang tru luc giac déu noi
tiép hinh tru.

AV =273a". B. V =81J3a’. C.V=2403d. D. V =36\34".
Loi gidi
Chon B

P cd e SN
7. ~ . SIS
- ~ . SO

- ~ N
N

.
________ S 4NNpI R
~ PN -
~ -
~ . ~ -
~ ., ~ -
S . e >

Di¢n tich xung quanh hinh try S, =27rl =27r.2r =36za’ = r=3a

Lang try luc giac déu c6 dudong cao h=1=6a

Luc giac déu noi tiép dudng tron c¢6 canh bang ban kinh cta duong tron

(3a)’'3  274°\3
2

4

Suy ra dién tich luc gidc déu S = 6. . Vay thé tich ¥ = S.h=81\/34’ .

Cau 67: (THPT Thuan Thanh 2 - Biac Ninh - Lan 2 nam 2017 — 2018)Cho khdi chop S.ABC c6 day

la tam giac vudng tai B, 4B =1, BC =+/2, canh bén S4 vudng goc véi day va SA=A/3.
Dién tich mit cau ngoai tiép hinh chép S.4BC bing
A. 6r. B. 37” C. 12x. D. 2rx.
Loi giai
Chon A



Goi / 1a trung diém ctia SC . Tam gidc SAC vudngtai 4 = I4=1S=IC :%SC (1).
Dé dang ching minh duge BC L (S4B)= BC L SB hay tam giac SBC vubng tai B

:»13:15:1(::%&: 2).

Tir (1) va (2) suyra: IA=IB=IC=1S = %SC hay / la tim mat cau ngoai tiép hinh chop

S.ABC c6 ban kinh R :%SC:%\/SAZ +AC? :%\/SAZ + AB? + BC? :%.

Vay dién tich mit cdu can tim 1a S =47R*> =67 .

Cau 68: (THPT Chuyén Luwong Thé Vinh — Dong Nai — Lan 2 nam 2017 — 2018). Cho hinh chép S.4BC

cd AABC vuongtai B, BA=a, BC = a3 . Canh bén S4 vuong goc voi day va S4 =a. Tinh
ban kinh ctia mat cau ngoai tiép hinh chop S.4BC.
A R=D avs

A ) B. R==". C. R=2a\5. D. R=av5.

Loi giai

Chon A

Tam cua mit cau ngoai tiép chop S.4BC 1a trung diém 7 cua SC .
AC=+AB*+BC* =2a.

Khi d6 SC =/SA* + AC? =Ja* +4a* = a5 .




SC_als
2 2
Céu 69: (THPT Quynh Luu 1-Nghé An — Lan 2 nam 2017 - 2018) Trong mot chiéc hop hinh tru ngudi ta bo
vao d6 ba qua bong tennis, biét ring day cta hinh try bang hinh tron 16n trén quéa béng va chiéu cao cua

Vay R=SI =

hinh try bang 3 1an dudng kinh ciia qua bong. Goi S, 14 tong dién tich ctia ba qua bong va S, 1a dién
S
tich xung quanh cua hinh tru. Gia tri biéu thirc 2018% béng
A. 2018. B. 1. C. 2018". D. 2018
Loi giai
Chon A
Gia str ban kinh qua béng 1a ». Tong dién tich ba qua bong 1a S, =34z’ =127,
Hinh try c6 chiéu cao 4 = 67, ban kinh dudng tron day 1a ».
Sl

Do d6 S, =2xrh=12zr*. Vay 2018% =2018.

Cau 70: (DPHQG TPHCM - Co S& 2 — nam 2017 — 2018) Cho khdi nén dinh S s6 d6 dai duong sinh la
a, goc giita duong sinh va mat day 1a 60°. Thé tich khdi non 1a

3ra’ a3 ra’ ra’\3

AV = B. V= . C.V= . D. V= .

8 8 = 24
Loi giai

Chon D

Ta co: chos60°:l:>r:

Cau 71: (DHQG TPHCM - Co S6 2 —nam 2017 - 2018) Trong khong gian cho hinh chit nhat ABCD c6
AB=a va AD=2a.Goi H, K lan luot 14 trung diém cia 4D va BC. Quay hinh chit nhat
d6 quanh truc HK , ta dugc mot hinh tru. Dién tich toan phﬁn cua hinh tru la:

A. S, =8x. B. S, =8a’7. C. S, =4a’r. D. S, =4r.
Loi giai
Chon C



B K C
Quay hinh chit nhat ABCD quanh truc HK ta dugc hinh tru ¢6 dudong cao la 7= AB =a, ban

kinh duong tron day 1a R = BK = %BC =a.

Vay dién tich toan phﬁn cua hinh tru la: S,p =27Rh+27R* =4rxa*.
Cau 72: (THPT Trin Phti — Pa Ning - Lin 2 — nam 2017 - 2018) Cho khbi tru c6 chu vi day bang 47za
va d¢ dai duong cao bang a . Thé tich cta khoi tru da cho bang
A. ma’. B. %72’613. C. 4ra’. D. 167a’.
Loi giai
Chon C
Goichuvidayla P.bTacé: P=2zR < 4na=27R < R=2a
Khi d6 thé tich khéi trw: ¥ = zR*h = 7(2a) .a = 4na’.
Cau 73: (THPT Tran Phtt - Da Néng - Lan 2 - nam 2017 - 2018) Cho hinh nén (N) c6 ban kinh day
bang a va dién tich xung quanh S, = 27a*. Tinh thé tich V' cta khéi chép tir gidc déu
S.ABCD c6 ddy ABCD ndi tiép day cua khdi nén (N) vadinh S tring véi dinh cia khéi non
(V).
254} 224
3

AV = . B. V=
3

3
C.V =23 Q.sz\/ja :

Loi giai

Chon D

Ta c6: Dién tich xung quanh S, = 21a* = rrl=2ra’ =1=2a = h=\NP-r*=a3 .
Déay ABCD ndi tiép ddy ctia khdi nén (N) c6 ban kinh day bang a = AB = a2 .

1 2\/34°

Vay: V ZESABCDh = 3



Cau 74: (THPT Chuyén PH Vinh — Lin 2 — nam 2017 — 2018) Cho hinh nén c¢é goc & dinh bang 60°,
ban kinh day bang a . Dién tich xung quanh ciia hinh nén bang
A. 27d’. B. 7d’. C. za’\f3. D. 47d>.
Loi giai
Chon A
Hinh nén ¢ ban kinh day bang a nén duong kinh bang 24 . Do d6 hinh nén nay c6 goc ¢ dinh
bang 60° thi d6 dai duong sinh 1a / =2a.
Viy dién tich xung quanh ciia hinh nén bang S, =nrl=rala= 2ra’.

Cau 75: (SGD Nam Dinh — nam 2017 — 2018) Cho hinh nén dinh S, day 1a dudng tron noi tiép tam giac
ABC. Biét ring AB=BC=10a, AC=12a, gbc tao boi hai mat phang (S4B) va (A4BC)
bang 45°. Tinh thé tich ¥ ctia khdi non da cho.

S

A.V =3za’. D. V=12za’.
Loi gidi

Chon B

Ha ID 1 AB, khi d6 goc tao bsi hai mit phing (SAB) va (ABC) chinh 1a SDI =45° nén
ID=SI=r=h.

SAABC

p
Tinh dugc p=16a, S, ¢ :\/p(p—a)(p—b)(p—c) =48a°.

Laico S, pyc=pr=r=

Suyra r =3a. Vay Vzéﬂrzh Zéﬂ'(?)(l)z =97a’.



Céau 1: (Tap chi THTT - Thang 4 nam 2017 — 2018) Cho hinh chép S.4ABC c6 SA=SB=SC=a va
ASB =90° , BSC = 60° , CSA=120° . Dién tich mit cau ngoai tiép ctia hinh chop S.4BC 1a.
A.4ra’. B.27za’. C.za’. D.%mf .

Loi giai
Chon A
Xét tam gidc SAB theo dinh li cosin ta c6 :

AB* = SA® + SB? —284.SBcos ASB = a* + a* —2a.a.cos 90° = 2a> = AB = a2

Xét tam giac SAC theo dinh li cosin ta c6 :

AC? = S4% + SC? —254.5C cos ASC = a* + a® —2a.a.cos120° =3a> = AC = a3

Xét tam giac SBC theo dinh li cosin ta c6 :

BC? = SC? + SB* —2SC.SBcos ASB = a* +a* —2a.a.cos60° = a* = BC = a

Tacd AB?>+BC? = AC? nén AABC vubdng tai B.

Goi O 1a trung di€m ctia AC . Tacod O la tam dudng tron ngoai ticp AABC

Vi SA=S5B=SC va OA=0B =0C nén SO la truc dudng tron ngoai ticp A4BC

= SO 1 (4BC) tai O.

Duyng mit phang trung truc ctia SC cat SO tai 7 => I 1a tim mit cau ngoai tiép chop S.4BC.
. SI  SE

Xét ASEI ~ SOC (g—g):E:E (1)

Vi SE:%, SC=a

a2 a

Mit khac ASOC vuén tai O ap dung dinh li pitago = SO* = SB*> - BO? = T =50=7
Thay vao (1) = SI =a vay bén kinh cau ngoai tiép chép S.ABC 1a a

= dién tich ctia mit cdu ngoai tiép chop S.4ABC la 4ra®.

2 2
Chu y: Sau khi chitg minh SO L (4BC) tai O thitacé R=—0 =% _
250 , AC
2

Chu 2: (THPT Chuyén Nguyén Quang Diéu — Dong Thap - Lan 5 nam 2017 — 2018) Cho hinh
noén c6 thiét dién qua truc 1 tam gidc vudng c6 canh huyén bang a~/2 . Tinh di¢n tich xung
quanh S, cua hinh non do.

2 2 2 2
A.Sq:m\/g. s, -T2 g M2 g 2
X 3 xq 2 xq 6 xq 3

Chon B



Goi S 1a dinh hinh nén, thiét dién qua truc la tam giac S4B .

AB a2

Ta co ABza\/E:>SA=a,suyraZ=SA=a; r=7— >

a\/i nazx/i
TC. a= .

2 2

Vay S, =mrl =

Ciu 3: (THPT Chuyén Thai Binh — Thai Binh - Lan 5 nam 2017 - 2018) Trong khong gian cho
tam giac OIM vudng tai 1, goc IOM =45° va canh /M =a. Khi quay tam giac OIM quanh
canh goc vudng OI thi dudng gip khuc OMI tao thanh mot hinh nén tron xoay. Khi d6, dién
tich xung quanh ctia hinh nén tron xoay dé bang

2
A. 7a*\3. B. 7a’. C. za’\2. D. ﬂazﬁ.
Loi gidi
Chon C

B - 00

Duya vao hinh v& ta thay duong gip khiic quay quanh OI s& tao hinh nén tron xoay ¢ ban kinh

day va chidu cao 1An luot 1a IM =a va h=10 =a va do dai duong sinh bang / =a+/2 .
Dién tich xung quanh ctia hinh nén bang: S, =nrl= 7a*\2.
Cau 4: (THPT Chuyén Thai Binh — Thai Binh — Lan 5 nam 2017 - 2018) Cho hinh tru ¢ ban kinh day

bang R va chiéu cao bang % Mit phang (a) song song vai truc cua hinh tru va céch truc

mot khoang bang § . Tinh dién tich thiét dién cta hinh try cat boi mat phiang ().

2 2 2 2
A 2R3\/§ ‘ B 3R2\/§ ‘ c. 3R2J5 ‘ DL 2R3«/§.

Loi giai



Chon B
Y T T 2 \ s N 1A - 3R
Thiét di€n cua hinh try cat boi mét phang (a) 1a hinh chit nhat ABCD vé61 BC = -

Goi H la trung diém 4B, tacoé AH =§ — AB=2HB=2NR*—AH? =R\3.

2
Vay dién tich thiét dién la: S = AB.CD = R\/3 .%R = 3R2‘/§ .

Cau 5: (THPT Chuyén Lwong Thé Vinh - Ha Néi — Lan 2 nadm 2017 — 2018) Cho hinh tru 6 ti s
dién tich xung quanh va dién tich toan phan bang % Biét thé tich khdi tru bang 47 . Ban kinh

day cua hinh tru la

A. 3. B.\3. C. 2. D. 2.
Loi giai

Chon D

Goi ban kinh ctia hinh trula R.

V=47r<::>h.7rR2=47r<:>h=Ri (1)

2

1

Sio =7 5 <:>27rRh:%ZﬂR(R+h)<:>3h:R+h<:>h:§

(2).
Tur (1) va (2) suy ra: %=§3R=2

Cau 6: (SGD Ha Tinh - Lan 2 nam 2017 — 2018) Cit hinh nén S bdi mot mit phang di qua tryc ta

duoc thiét dién 1a mot tam gidc vudng can, canh huyén bang a~/2 . Thé tich khéi non bang:

72'61\/5 7[613\/5 7[612\/5 D 72'(13\/5

A. . B. . C. . .
4 6 12 - 12

Huéng din giai

Chon D




Ta c6: ASAB vudng can tai S nén 2 2

3 2 2 12

1, , 1 a\/z[a\/zjz ra’2
:>V:§h7rr =—7 = .

Cau 7: (THPT Ngheén - Ha Tinh - Lan 2 nam 2017 — 2018) Cho tam gidc ABC vudng can tai 4, trung diém

cta BC la diém O, AB =2a.Quay tam gidc ABC quanh truc OA . Dién tich xung quanh cla hinh
nén tao ra bang:

A 27d®. B. #ﬁaz. . V2 2. D. 2N2ra.

Chon D

Ta c6 BC =2a+/2 suy ra ban kinh day hinh non 1a » = %BC =a\2 .

Dién tich xung quanh hinh nén: S =7rl = za2 (2a) =2\27d’.

Cau 8: (THPT Chu Van An — Ha No6i - nam 2017-2018) Vién Hai duong hoc du dinh lam mot bé ca

bang kinh phuc vu khach tham quan (nhuw hinh vé), biét ring mit cit danh cho 16i di 13 ntra hinh
tron

Tong dién tich mat kinh cua bé c4 gan nhat voi so nao sau day?

A. 872m’. B. 914m>. C. 984m”. D. 949m”.

Loi giai
Chon D
Dién tich mat kinh bﬁng

§=2510+2.25.6+2.10.6— 74" + 7.4.25 ~934cm’ .



Cau 9: (THPT Chuyén V6 Nguyén Giap - Quang Binh - nam 2017-2018) Cho hinh lap phwong c6
canh bang 2. Dién tich ctia mit cdu ngoai tiép hinh 1ap phuong d6 bang

A. 67. B. 437. C. 8r. D. 127.
Hwéng din giai

Chon D
A '
B'— : ¢
2
o §
’_,A* """""""""""" > D
B C
Ta co:

Mit cau ngoai tiép hinh 1ap phuong c6 ban kinh bang R = % =—-=
\ 2
Dién tich mit cdu la: § = 47R* = 4n(3) =12r.

Ciu 10: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Cho hinh try ¢6 ban kinh d4y bang
2 cm. Mot mat phéng qua tryc cua hinh try va cit hinh tru theo thiét dién 1a hinh vuong. Tinh
thé tich ctia khéi try da cho.

A. 8rcm’. B. 167cm’. C. 16Tﬂcm3 D. 16cm’.
Huéng din giai

Chon B

Canh thiét dién gip d6i ban kinh day = 4 =2R =4cm.

Viy thé tich khdi tru 1a: ¥V = zR*h=167cm’.

Cau 11: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Hinh tru c6 bao nhiéu mat phang

d6i xtmg?

A. V6 sb. B.2. C.0. D. 1.
Hwéng din giai

Chon A

Céc mit phang chira truc cta hinh tru va vuéng goc miat phang day déu 1a mat phang dbi xing
cua hinh tru.



Cau 12: (THPT Pang Thiic Hira — Nghé An - nam 2017-2018) Cho hinh nén dinh S biét ring néu cit

hinh nén boi mot mat phfmg di qua tryc ta dugc mdt tam giac vudng can c6 canh huyén b?mg a\/E .
Dién tich xung quanh cua hinh nén la:

z2a’

S

A S, = . B. S =ra’. C. S =\2nd. p.s =%
X 2 xq xq xq 2
Loi giai
Chon A
S
[=SA=S8SB=a
Ta c6 ASAB vudng can tai S = AB a2 -
yV=—=
2 2
2
Vay S =xnrl=m. av2 a= m2a .
! 2 2
Cau 13: Cho hinh nén c6 ban kinh d4y bang 3 va chiéu cao bang 4. Tinh dién tich xung quanh cua hinh
non.
A.157. B. 127. C.9rx. D.30rx.

Cau 14: Cho tam giac déu 4BC canh a. Goi (P) 1a mit phang chira duong thang BC va vudng goc voi
mit phing (ABC). Trong (P), xét duong tron (C) dudng kinh BC. Tinh bén kinh cta mat
cu chira duong tron (C) va di qua diém 4.

A a3, a3 a3 a3

B. . C. . D. .
2 -3 4
Cau 15: Cho hinh nén c6 ban kinh day bang 3 va chiéu cao bang 4. Tinh dién tich xung quanh cua hinh
non.
A.157. B. 127. C.9rx. D.30rx.
Loi giai
Chon A

Goi / 1a dudng sinh ctia hinh nén thi /=r> + 4> =32 +4> =5.

Di¢n tich xung quanh cua hinhnénla S, =7zrl=73.5=15x.



Céu 16: Cho tam gidc déu ABC canh a. Goi (P) 1a mit phang chira duong thang BC va vudng goc véi
mit phang (ABC). Trong (P), xét duong tron (C) duong kinh BC. Tinh béan kinh ctia mit
cu chira dudng tron (C) va di qua diém 4.

A. a3, D.#.

Chon C

Goi (S) 1a mit cau chira dudng tron (C) va di qua diém 4; H la dudng cao tam gidc déu
ABC; I latrong tim cua tam giac ABC thi I ciing 1a tAm ctia mit cau (S )
Tac6 IH = %AH =$, bén kinh cia duong tron (C) 1 R :BZ—C :%

= Ban kinh ctia mat cdu (S) 1a »=[B=~BH" + IH’ :#.

Cau 17: Tinh dién tich toan phﬁn ctia mot hinh tru, biét thiét dién cta hinh tru cét béi mit phéng qua truc
1a mot hinh vudng c6 dién tich bang 36.

A. 54r. B. 50x. C.187. D. 36rx.
Loi giai
Chon A
e
I
I
) h
I
—I—
__1_
B o’ C

Ta c6: ABCD 14 hinh vudng c6 dién tich bang 36 nén S ,,, = AB> =36

— AB=BC=+36=6=h=1=AB =6, r:B—zczs.

Dién tich toan phén ctia mot hinh tru 1a Stp = h2zr +27r° = 27r (h + r) =54r.

Cau 18: Cho hinh chop S.ABC c¢6 SA=SB=SC=4, AB=BC=CA=3. Tinh thé tich khéi non gidi
han bai hinh nén ¢6 dinh 1a § va day 1a duong tron ngoai tiép A4BC.
A. 37 B. 137, C. 4r. D. 2\27.
Loi giai



Chon B

2
Duong cao hinh chép 1a duong cao hinh non: h=S0 =+/8S4"-04> = |4’ —(%ﬁj =13

Ban kinh dudng tron ngoai tiép tam giac ABC: R =04 = 48 _ V3.

V3
Vay thé tich khdi non can tim: V = %ImR2 =\13x.
Cau 19: Mot hinh tru ¢6 dién tich toan phﬁn 1a 10a* va ban kinh day béng a . Chiéu cao cua hinh tru d6

la
A. 3a. B. 4a. C. 2a. D. 6a.

Cau 20: Cho khéi ling try tam gidc déu co canh day bang a. Goc giita dudng chéo ctia miat bén va day
cua lang tru 1a 60°. Tinh dién tich mat cu ngoai tiép hinh lang try d6.

A. 27taz. B. é7t¢12. C. 27taz. D. é7taz.
3 3 9 9
Cau 21: Mot hinh tru ¢6 dién tich toan phﬁn 1a 10a” va ban kinh day bﬁng a . Chiéu cao cua hinh tru d6
la
A. 3a. B. 4a. C. 2a. D. 6a.
Loi giai
Chon B
/—/"______—_“\\
——% >
|
1
1
1
1
1
1
1
S
41::_;__!0 T




Goi r, h lan luot 1a ban kinh duong tron day va chiéu cao cua hinh tru.
Taco: S, =2rz.h+ 21 =2anh+2rxa’ =10wa* < 2anh=8%a’ < h=4a.

Cau 22: Cho khéi ling try tam gidc déu co canh day bang a. Goc giita dudng chéo ctia mit bén va day
cua lang tru 1a 60°. Tinh dién tich mat cu ngoai tiép hinh lang try do.

A. Enaz. B. é7taz. C. Enaz. D. é7taz.
3 3 9 9
Loi giai
Chon A

A (4
B

S T

a3

Goi H latam ABC thi AH ===

Taco (A'B,(4BC))= (4B, AB)= ABA=60° = Ad'= AB.1an 60° = a3.

a\3

Goi M 1a trung diém AA' thi AM :T. Mit phang trung truc cua doan A4’ cit truc cia

duong tron ngoai tiép AABC tai I thi 1 tAm mit cau ngoai tiép lang tru.

2 2 2
Tacd R? = IA> = IM? + AM? = AH? + AM> :3%#’? - lf; .

2
Vay dién tich mat cau ngoai tiép ling tru S =4nR* =4n lf; = ?naz.

Cau 23: Cho hinh nén tron xoay c6 chidu cao /=26 cm, néu cit hinh noén boi mit phing qua truc ta
dugc mot tam giac déu. Tinh dién tich xung quanh S,, cua hinh nén (1am tron dén chir s6 thap
phan thu ba).

A. S =353,953cm’. B. S, =796,394cm’. C. S, =1415,811 cm’.D. S, =707,906 cm’

Cau 24: Cho hinh nén tron xoay c6 chidu cao /=26 cm, néu cit hinh noén boi mat phang qua truc ta
dugc mot tam giac déu. Tinh dién tich xung quanh S,, cua hinh nén (lam tron dén chir s6 thap
phan thu ba).

A. S, =353953cm’. B. S, =796,394cm’. C. S, =1415,811 ¢cm’.D. S, =707,906 cm’
Loi giai
Chon C



___..>

5243 523

Nhin xét: Thiét dién qua truc 14 tam giac déu ABC c6 AH =26 = AB = = HB="*—,

6
52[ 5243

Di¢n tich xung quanh S, =7.HB.AB = 7.—— — = =1415.811 cm®

Cau 25: Cho hinh chop tam giac déu S.ABC c6 day bang 3a, goc giita canh bén va mit day bang 45°. Thé tich
khdi cau ngoai tiép hinh chop S.ABC bing.

3 3
o A2 B. 470’3 ¢, dra 3

3 3 D. 47m3x/§ .

Cau 26: Mot khéi non c6 thiét dién qua truc 1a tam gidc vudng can co canh goc vudng bang a\/E . Thé tich khéi

n6n bang
A. e B. 7 C. nd’. p.
3 2 6

Cau 27: Cho hinh chop tam giac déu S.ABC c6 day bang 3a, goc giita canh bén va mit day bang 45°. Thé tich
khdi cau ngoai tiép hinh chop S.ABC bing.

dra’~?2 3
A. ﬂaT\/—. B. 47a’2 . C. @. D. 4ra’ 3.
Loi giai
Chon D
h)
Tacd: AH —g 3af = af ASAH vuong cin= SH = AH = a[

\ . 4> 6a’
Bén kinh mét cau ngoai tiéep S.ABC la: R = 5 =24 a3

2SH 243



Vay V :%ﬁR3 :%ﬂ(a\/g)s =dra’\3.

Cau 28: Mot khéi non co6 thiét dién qua tryc 1a tam gidc vudng can co canh goc vudng bang a\/E . Thé tich khéi

noén bang
3 3 3
A2 B. 7% C. nd’. p. ¢
3 2 6
Loi giai
Chon A
s
s B

Thiét dién qua truc 1 tam giac vudng can c6 canh goc vudng bang a2 nén dudng sinh
I = a2 va dudng kinh duong tron day bang 2a, ban kinh r=a.

Chiéu cao h:,[(a\/z)z—az =a.

3
Thé tich khdinon1a V = %m’zh = %ﬁ.a.a =

wa

3

Cau 29: Mot hinh nén (N ) c6 thiét dién qua truc 1a mot tam giac vudng cin voi canh goc vudng bang
a~J2 . Thé tich cua khéi nén (N ) bang:
} ra’ a

rd . B. . C. za’. D.
3 2 6

A.

Céu 30: Trong khong gian Oxyz, mit phing di qua diém M (—1;-2;5) va vudng goc vé6i hai mit phing
x+2y—-3z+1=0 va 2x-3y+z+1=0 c6 phuong trinh la
A x+y+z-2=0. B. 2x+y+z-1=0. C.x+y+z+2=0. D.x-y+z-6=0.

Cau 31: Mot hinh nén (N ) c6 thiét dién qua truc 1 mot tam gidc vudng cin voi canh goc vudng bang

a~J2 . Thé tich cua khéi nén (N ) bang:

3 3
rd . B. rd . C. ra’. D.
3 2 6
Loi giai

A.

Chon A




Ta c6 hinh non (N ) c6 thiét dién qua truc 1a mot tam giac vudng can vai canh goc vudng bang

a~/2 nén day cua hinh non la dudng tron c6 duong kinh 2a, chi€u cao cua hinh nén bang a
3

nén the tich ctia khoi nén bang:

Cau 32: Trong khong gian Oxyz , mit phang di qua diém M (—1;—2;5) va vudng goc véi hai mat phang
x+2y-3z+1=0 va 2x-3y+z+1=0 c6 phuong trinh la
A. x+y+z-2=0. B. 2x+y+z-1=0. C.x+y+z+2=0. D.x-y+z-6=0.
Loi giai
Chon C
Mit phang vudng géc v6i hai mit phang x+2y—3z+1=0 va 2x—3y+z+1=0 co vécto
phap tuyeén vuong goc véi hai vécto phap tuyén hai mat phang trén
n= —%[Z,Z] = —%(—7;—7;—7) =(L11).
Do d6 phuong trinh mit phang can im 1a x+1+y+2+z-5=0 <x+y+z-2=0.
Céu 33: Cho ttr dién ABCD c6 AD vudng gbc v6i mit phang (ABC), tam gidc ABC vudng can tai 4,
AD =2a, AB = a . Ban kinh mit cau ngoai tiép tir dién ABCD bang.
A 46 B, 4Y6 c. a6 D. 2
3 - 2 4
Céu 34: Cho t&r dién ABCD c6 AD vudng gbc v6i mit phang (ABC), tam gidc ABC vudng can tai 4,

2
5

AD =2a, AB=a . Ban kinh mit cau ngoai tiép tir dién ABCD bang.

A.M. B M. C a6 D. a2

3 = 2 a4 2

Huéng din giai
Chon B

B

Bén kinh dudng tron ngoai tiép tam giac ABC: r = BC = av2 .

2 2
2 2
Ban kinh mit cau ngoai tiép tt dién ABCD: R = ’(ATDJ +r7 = A /az +% = #.

Cau 35: Cho tam giac ABC vudng can tai A4, AB=2a. Thé tich cua khdi tron xoay tao thanh khi quay
tam giac ABC quanh canh 4B bang




3 3 3 3
a B. 8ra C. drra D. 8ra \/5

A. . . .
3 3 3 3

Céu 36: Goi (T) 1a mot hinh try c6 dién tich xung quanh bang 4z va c6 chiéu cao bing duong kinh day.
Thé tich khdi tru (7') bang:
A. m. B. 3n. C. 4n. D. 2x.

Cau 37: Cho tam giac ABC vudng can tai A4, AB=2a. Thé tich cua khdi tron xoay tao thanh khi quay
tam gidc ABC quanh canh 4B bing

3 3 3 3
ma_ B. 8ra . C. 4ra . D. 8za’\2 .
3 -3 3 3
Loi giai

A.

Khi quay tam gidc ABC quanh canh AB ta dugc mdt hinh nén c6 ban kinh day » =2a va
chiéu cao 1a 7 =2a.
Ap dung cong thirc tinh thé tich khdi non ta co

3
14 =%7rr2h =%7r(2a)2 2a= 8ra )

Céu 38: Goi (T) 1a mdt hinh try c6 dién tich xung quanh bang 4 va c6 chiéu cao bing duong kinh day.
Thé tich khdi tru (7') bang:
A. . B. 3n. C. 4rn. D. 2m.
Loi gidi
Chon D
Tacd S, =2mwrh < 4n=2nr2r < r=1.

Thé tich khditrula V =w?h =nl1*2.1=2x.

Cau 39: Cit mot h@nh tru béng mot mat phéng qua truc cua no, ta

duoc thiét dién la mQt hinh vuéng canh 2a. Dién tich xung

quanh cua hinh tru bang

A. 27a’. B. 87a’. C. 4rza*. D. 167a”.
Cau 40: Cho hinh chép tam giac déu S.4ABC c6 canh AB =a, goc tao

bdi (SAB) va (ABC) bang 60°. Dién tich xung quanh cua

hinh nén dinh S va c6 dudng tron day ngoai tiép tam giac
ABC bang



J7a? J7a? Brd® Brd

A. . B. . C. . D. .
3 6 2 6

CAu 41: Cit mot hinh tru béng mot mat phéng qua truc cua no, ta duoc thiét dién 1a mot hinh vuong canh
2a . Dién tich xung quanh cuia hinh tru bang

N
N

A. 27a’. B. 87a’. C. 4ra’. D. 167a”.
Loi giai

N
N

Chon C

Dua vao hinh v& ta c6 ban kinh va chiéu cao cua hinh tru lan luot 1a a va 2a.
Do d6, S,, =27Rh=2r.a2a= dra’.

Chu 42: Cho hinh chép tam giéc déu S.4BC c6 canh AB =a, goc tao bdi (SAB) va (ABC) bing 60°.

Dién tich xung quanh ciia hinh nén dinh S va c6 dudng tron day ngoai tiép tam giac ABC

bang

A

A C
B
2 2 2 2
A. Jra . B. Jra . C. 3ma . D. V3ra .
3 6 2 6
Loi giai

ChonB



A C
M
B
Goi M la trung diém AB va goi O 14 tim ctia tam giac ABC ta co:
AB L CM .
= AB L (SCM) = AB 1L SM va AB 1 CM
AB 1 SO

Do d6 goc giita (SAB) va (4BC) 1a SMO = 60°.

a\/§ 1 ax/§

Mit khac tam giac ABC déu canh a nén CM :T. Suy ra OM :§CM :T.

SO = OM.tan 60° = “63 A3 =§.

Hinh nén da cho ¢6 chiéu cao 4= S0 = g, ban kinh ddy R =04 =

I=vh*+R? :a\/i'

6

a3
3

, 40 dai duong sinh

a3 a\/ﬁ_\ﬁﬁaz

Vay dién tich xung quanh hinhnén 1a S, =7z.RI=7. 3 p p

Cau 43: [2D2-2]Trong cdc ménh d& sau, ménh dé nao sai?
A. Tap gia tri cia ham s§ y = ln(x2 +1) 1a [0;+00) .

B. Ham s6 y:In(x+\/x2+1) ¢6 tap xac dinh 14 R .

C. [1n(x+m)]:\/ﬁ.

D.Hamsé y=In (x X7+ 1) khong phai 12 ham chén ciing khong phai 1a ham 1¢.

Cau 44: Cho khéi chép S.ABC c6 SA vudng goc véi mit phang (ABC) va SA=a.biy ABC noi tiép trong

dudng tron tdm [ ¢ béan kinh bang 2a (tham khao hinh v&). Tinh ban kinh mat cau ngoai tiép khdi

chép S.ABC. S
A. "‘/g. B. “‘/ﬁ. a
2 2 c
a\/g A
C. a\5. p. &2
a5 3 -

Cau 45: [2D2-2]Trong cdc ménh d& sau, ménh dé nao sai?

A. T4p gid trj cia ham 6 y =In(x* +1) 1a [0;+e0).



B. Hiam s6 yzln(x+\/x2+1) ¢6 tap xéc dinh 13 R .

C [ 1) =

D.Hamsé y=In (x +/x7+ 1) khong phai 1a ham chén ciing khong phai 1a ham 1¢é.

Loi giai
Chon D
Xét ham s (2)c6 tap xdc dinh 1a R
Mait khac ta co:
1
f(—x zln(—x+\/x2+l)=ln[—J=—ln(x+ x2+1)=—f x), VxeR
=) e ) )

Vay ham s6 f'(x) 1a ham s0 1é.

Cau 46: Cho khéi chép S.ABC c6 SA vudng géc véi mat phang (ABC) va SA=a.bay ABC ndi ti€p trong

dudng tron tdm [ ¢ ban kinh bang 2a (tham khao hinh v&). Tinh ban kinh mat cau ngoai tiép khdi

chop S.ABC.
S
a
C
A
B
A.ﬁ. B. “*/ﬁ. C. av5. D.&.
2 2 3
Loi giai

Chon B

Goi A 1a duong thang qua / va A L (4BC).
Goi M la trung diém cua SA4, mat phéng trung truc ctia doan thfmg SA cit A tai O.
Khi d6 O 1a tim mit cau ngoai tiép hinh chop S.ABC, bankinh R = OA.

2
04 =+ AI* +OI* =4/4a2 +% _4 217 .




Cau 47: Trong khong gian cho hinh chit nhat ABCD c6 AB=4 va BC=2.Goi P, Q lan luot 1a cac
diém trén canh AB va CD sao cho BP =1, OD =30QC. Quay hinh chit nhat 4PQOD xung
quanh truc PQ ta dugc mét hinh try. Dién tich xung quanh cta hinh tru la
A. 107 . B. 127. C.4r. D. 67

Cau 48: Cho hinh chop tam giac déu c6 canh day bang a , goc giita canh bén va mat day bang 45°. Mat ciu ngoai
tiép hinh chép co ban kinh 1a
av'3 av'3 3 3
NS L) ¢ @3 b 43
2 3 4 5
Céu 49: Trong khong gian cho hinh chir nhdt ABCD c6 AB=4 va BC=2.Goi P, Q lan luot 13 cac diém

trén canh 4B va CD sao cho BP =1, OD =30QC. Quay hinh chit nhdt 4PQOD xung quanh truc
PQ ta dugc mdt hinh try. Dién tich xung quanh cua hinh try 1a

A. 107. B. 127. C.4r. D. 67
Loi giai

Chon B

. |BP=1
Ta co = PA=0D=3.
OD =30C

Khi d6 khdi try thu dugc ¢ ban kinh ddy » = PA = QD =3 va duong sinh [ = AD =2.
Nén dién tich xung quanh cua hinh trula S, =27zr/ =2732=12x.

Cau 50: Cho hinh chop tam giac déu c6 canh day bang a , goc giita canh bén va mat day bang 45°. Mit ciu ngoai
tiép hinh chép co ban kinh 1a

NEAE E . a3 b, V3

2 =3 "4 "5

Chon B




Do S.ABC 1a hinh chép déu nén hinh chiéu ctia S trén mét day (ABC) la trong tim H cua
tam giac déu 4BC.
Suy ra, goc giita canh bén S4 va mat day la goc SAH . Theo gia thuyét SAH =45° nén

av3 va SH:Q.

SA=AH =
3 6

3
a
. Ao 18 ez <A A1y . . A SA? 3
Cach 1: Day la mat cau ngoai tiép hinh chop loai 2 nénco R = = =
a\3
6

28H

Cich 2: Goi N 1a trung diém SA . Trong (SAH ), duong trung truc canh S4 cat SH tai 7.

Suyra IS =4 =B =IC nén I 1a tim mat ciu ngoai tiép S.4BC.
S4> a3
2SH 3

Tacd: SN.SA=SI.SH = bankinh mit cau R = SI =

Cau 51: Cho hinh 1ap phuong (H ) ¢6 canh bang a. Hinh tru c¢6 hai duong tron day noi tiép hai dy cta
(H ) c6 di¢n tich xung quanh la:
ra’ 3ra’ za )

. B. . C. D. 7a
3 4 2 -

A.

Cau 52: Mit phang trung tryc ctia dudng cao cia mot khdi nén chia né ra thanh hai phan. Ti sb thé tich
cua chung la:

C D.

0 | —

AL B L
4

1
5 7
Cau 53: Cho hinh lap phuong (H ) c6 canh bang a. Hinh try c6 hai duong tron day noi tiép hai day cua

(H ) c6 di¢n tich xung quanh la:

2 2 2
A B. 374 c. X D. 7a’
3 4 2
Loi gidi
Chon D
A D
ah
\.——2—

Taco V =2xrl =27r%a =ra’.

Cau 54: Mit phang trung tryc ctia dudng cao cia mot khdi non chia né ra thanh hai phan. Ti sb thé tich
cua chung la:

D.

a

N
0| —

A. B

1
=

| —

Loi giai



Chon B

Goi r 1a ban kinh day cua khdi non va /4 1a chiéu cao ciia khdi nén, khi d6 khdi non cé thé
s 1,

tichla V' =§71r h

Cit khdi non bang mat phang trung truc ctia dudng cao thi ta duoc hai phén, trong d6 c6 mot

2
phén 1a khéi nén c6 thé tich la: 7, :l.ﬂ.(Lj ﬁ :l.(lﬂrz.h) =1V.
3 12) 2 813 8
|4 1
v-v. 1

Vay ti s6 thé tich ctia hai phan sau khi bi cat 1a:

Cau 55: Cho hinh nén c¢6 duong sinh la a, goc gitra duong sinh va mdt day 1a o, dién tich xung quanh
cua hinh non la:
A. ma’sina . B. 27acosa . C. wa’ cosa . D. 2zasina .

Cau 56: Cho hinh chép tir gidc déu S.ABCD c6 canh day bang a, canh bén hop v6i day mot goc 60°.
Hinh nén c6 dinh 1a S, day 1a duong tron noi tiép tir gisc ABCD c6 dién tich xung quanh 1a:

za* (N7 +1 2
(V7 +1) p. s FeNT.
4 4
Cau 57: Cho hinh hdp chit nhét c6 d6 dai cac canh 3, 4, 5. Néi thm 6 mit cta hinh hop chit nhét ta
duogc kh6i 8 mat. Thé tich khdi 8 mat do 1a:

A.SZ%ﬂaz. B. S=7a’. C.S=

A. 10. B. 10+2. C. 12. D. %

Cau 58: Cho hinh nén c¢6 duong sinh la a, goc gitta duong sinh va mat day 1a o, dién tich xung quanh
cua hinh non la:
A. 7a’sina . B. 2zacosa . C. 7a’ cosa . D. 2zasina .
Huéng din giai
Chon C



Taco: f=a; r=Fcosa=acosa.
Khi d6 dién tich xung quanh cta hinh non la S, =7zrl = za’ cosa .

Céu 59: Cho hinh chép tir gidc déu S.ABCD c6 canh day bang a, canh bén hop v6i day mot goc 60°.
Hinh nén c6 dinh 1a S, day 1a duong tron noi tiép tir gisc ABCD c6 dién tich xung quanh 1a:

mz(;ﬁﬂ). D, 57T

A.Sziﬁaz. B. S=ra". C.S=—. D
2 4

Huéng din giai

Chon D

Goi O 1a tim ctua ddy ABCD, M 1a trung diém cua BC.

Hinh nén c6 dinh 1a S, day 1 duong tron ndi tiép t gidc ABCD 1a hinh nén tron xoay tao
thanh khi quay tam giac SOM quanh SO . Ta c6:

SO = OB.tan 60° =

aﬁ a6
SN

2

OM =

=r.

a
2

2 2 2
SM? = SO + OM?> =(§j +(ﬂj _Ja :z:a‘ﬁ

2 4 2

Khi d6 dién tich xung quanh cta hinh non la:



a a7 ra*\7
=nrl =— = .

S, . V4
! 2 2 4

Cau 60: Cho hinh hdop chit nhét c6 d6 dai cac canh 3, 4, 5. Néi tim 6 mit cta hinh hop chit nhét ta
dugc khoi 8 mat. Thé tich khéi 8 mat d6 1a:

A. 10. B. 10:2. C. 12. p. 2>

Huéng din giai

Chon A

1
Voounro = 2Vo e = 2.§.d(01,(MNPQ)).SMNPQ =2.

Céu 61: Cho hai khoi nén (,), (N,). Chiéu cao khoi non (N,) bang hai lan chiéu cao khoi nén (N,)
va dudng sinh khdi non (N,) bang hai lan dudng sinh khéi nén (N,). Goi ¥;, ¥, lan luot la
thé tich hai khdi noén (N, ), (N,). Tisb ; bing

2

AL L
6 16

1
‘3
Chu 62: Cho hai khoi nén (N, ), (N,). Chiéu cao khoi nén (N,) bang hai lan chiéu cao khéi non (N, )

I

D.

NG

va dudng sinh khdi non (N,) bang hai lan dudng sinh khéi nén (N,). Goi ¥;, ¥, lan luot la

thé tich hai khdi nén (N, ), (N,). Tisb % bing

2

AL B. L. L p. L.
6 - 8 16 4
Huéng din giai
Chon B

Goi 7, /, 1an lugt 1a ban kinh va duong sinh ciia khdi non (N, ), khi d6 ban kinh va duong sinh

khéi nén (N,) lan luot1a r, =27, 1, =27



Cau 63: Cho hinh nén dinh S, day 1a hinh tron tam O. Thiét dién qua tryuc cta hinh non 1a tam giac c6
mot goc bang 120°, thiét dién qua dinh S cat mit phang day theo day cung AB =4a va la mot
tam giac vuong. Dién tich xung quanh cta hinh nén bang
A. 73a* . B. 7834 C. 72\3d*. D. z43a’.

Cau 64: Cho hinh nén dinh S, day 1a hinh tron tim O. Thiét dién qua truc cta hinh nén la tam giac co

mot goc bang 120°, thiét dién qua dinh S cat mit phing day theo diy cung AB =4a va la mot

tam giac vudng. Dién tich xung quanh cta hinh nén bang
A. 734>, B. 78\34’. C. 723", D. 743d*.
Huéng din giai

Chon D

Theo dé bai ta c6 tam giac SAB vudng cantai S, AB=4a nén SB= 2av2.

Mit khéc tam gidgc SDC can tai S va c6 goc CSD =120° nén CSO = 60°.

Xét tam giac vuong SOC c6 sin CSO = % & 0C=S5C.sinCSO = OC = a6 .

Vay dién tich xung quanh cua hinhnon la S, =7zrl = raN6.2a\2 = 4xa*\3 .

Cau 65: Cho hinh chop déu S.ABCD c6 canh day jbéng a2 , goc giita canh bén va mit day bang 45° .
Dién tich mat cau ngoai ti€p hinh choép bang

4ma’ B 16na*

3 3

A. C. 6na’. D. 4na’.



Céu 66: Cho hinh nén dinh S, géc ¢ dinh bing 120°, ddy 14 hinh tron (O;3R). Cét hinh nén béi mit
phang qua S va tao v6i ddy goc 60°. Dién tich thiét dién la
A. 2\2R?. B. 42R%. C. 62R. D. 8/2R%.

Céu 67: Cho hinh chép S.4BC c6 déy 1a tam gidc vudng can tai B, 4B=a, SA L (ABC). Biét thé tich

3

ctia khdi chop S.ABC bang %. Tinh goc giita SB va mit phang (ABC )
A. 45°. B. 30°. C. 60°. D. 75°.

Cau 68: Goi S 1a tap hop tat ca cc gi tri ciia tham s6 m dé phuong trinh ‘2x4 —4x" + 1‘ =m co 8
nghi¢m phan biét. Tim S ?
A. S=(-L1). B. §=(12). C. S=(0;2). D. §=(0;1).

Ciu 69: Cho hinh chép déu S.ABCD c6 canh déy bing a~/2, goc gilta canh bén v mat ddy bing 45° .
Dién tich mat cau ngoai ti€p hinh choép bang

2 2

A A B. 10m C. 6nd’. D. 4na’.
3 3
Loi giai
Chon D
\ \\
.-'/ II\\. \"\
,f"'f' f : ‘ \
C A -

Goi O la tam hinh vudéng ABCD.
Ta c6 goc gilra canh bén va mat day 1a goc SA0 =45 = S0 =04 = AC_ %\E =a

= 0A4=0B=0C=0D=0S nén O latam mit cdu ngoai tiép hinh chép S.4BCD .
R=0A=a.Vay S =4nR* =4na’.
Cau 70: Cho hinh nén dinh S, géc & dinh bﬁng 120°, day 1a hinh tron (O;3R). Cit hinh non boi mat
phang qua S va tao v6i ddy goc 60°. Dién tich thiét dién la
A. 2\2R?. B. 42R*. C. 6\2R. D. 8/2R*.
Loi giai
Chon B



Thiét dién 1a tam giac SAB, goi M la trung diém AB = OM 1 AB
= ((54B),(04B)) =(0M, SM ) = SMO = 60°.

Géc & dinh hinh non bing 120° = 0S4 =60°, SO=—24_ 38 _p 3.

tan 60° /3
Ta c6 Sszg—OzR—\B:ZR,OM:%:R,AM: 04> —OM?* =2\2R .
sin 60° \/5 2
2

Vay S, =SM.AM =2R2\2R = 42R.

Céu 71: Cho hinh chép S.4BC c6 ddy la tam gidc vudng can tai B, AB=a, SA L (ABC). Biét thé tich
3
ctia khéi chop S.4ABC bing %. Tinh goc gitta SB va mit phing (ABC).
A. 45°. B. 30°. C. 60°. D. 75°.
Loi giai
Chon A

B
. 1 1,1 1. 1 @
Tacod: Vy pe =§.SA.SABC = E.SA.E.AB.BC =§.SA.E.a.a =< < S4=a.
Vi 84 L (ABC)nén AB 14 hinh chiéu vudng géc cua SB 1én mit phang (ABC).
Suy ra: (SB,(ABC)) = SBA.
Xét tam giac vudng S4B c¢6 SA=a va AB=a,suyra SBA = 45°.
Cau 72: Goi S la tap hop tat ca cAc gid tri ciia tham s6 m dé phuong trinh ‘2x4 —4x7 + 1‘ =m co 8

nghiém phén biét. Tim § ?



A. S=(-L1). B. 5=(1;2). C. §=(0;2). D. S=(0;1).

Loi giai
Chon D
x=0
Xétham sb: y=2x*—4x>+1. )’ =8x"—8x, =0 <= 8x'—8x=0 <|x=1
x=-1
Ta c6 bang bién thién:
X | —o0 -1 0 1 +00
V' — 0 + 0 — 0 +

NG N

Suy ra dd thi ham s6 y =[2x* —4x" +1]

3__
JANWA\WA)
— LV LV Y
2 -1 1 2

Nghiém ctia phuong trinh ‘Zx4 —4x” + 1‘ = m chinh 1a s6 giao diém cta duong thang y =m va
dothi ham s6 y = |2x" —4x +1|. Dya véo @b thi ta c6 khi 0<m <1 thi phuong trinh da cho c6
8 nghiém phan biét.

Cau 73: Cho hinh nén c6 ban kinh dudng tron day bang a . Thiét dién qua truc hinh nén 1a mot tam giac

cin co goc & day bang 45°. Tinh thé tich khéi ciu ngoai tiép hinh nén.

A. %ﬂaS. B. gﬂaS. C. imf. D. 4ra’.

Cau 74: Cho hinh nén c¢é ban kinh duong tron day bang a . Thiét dién qua truc hinh nén 1a mot tam giac
cin co goc & day bang 45°. Tinh thé tich khéi cau ngoai tiép hinh non.

A. lﬂas. B. §7[(13. C. imf. D. 4ra’.
3 3 3
Loi giai
Chon C

a

Theo gia thiét, suy ra goc & dinh ctia hinh nén 1a 90°. Do d6 khdi cau ngoai tiép hinh non ¢6
tadm la tam ctia dudng tron day hinh non.

Vay ban kinh khéi cau 1a » = ¢ . Vay thé tich khéi cau 1a %ﬁcf .



Cau 75: Cho mit non tron xoay dinh S day 1a duong tron tim O c6 thiét dién qua truc 1a mot tam giac
déu canh bang a. 4, B 1a hai diém bt ky trén (O). Thé tich khdi chép S.OAB dat gié tri lon

nhit bang
3 3 3 3
A."‘/g. B."‘/g. c. L. D.‘“/g.
96 48 96 24

Cau 76: Cho mit non tron xoay dinh § day 1a duong tron tim O c6 thiét dién qua truc 1a mot tam giac
déu canh bang a. 4, B 1a hai diém batky trén (O). Thé tich khéi chép S.OAB dat gid tri lon

nhit bang
3 3 3 3
AR B O3 c. L p, V3
96 48 96 24
Loi giai
Chon B.

Tacod V,,,p = %SAAOB.SO. Laico S, = %OA.OB.sin AOB.

a\3

Mit khic 0O4=0B=2, sO=h=22
2 2
Do d6 thé tich khéi chop S.OAB dat gia tri 16n nhét khi sin AOB=1= 04 L OB.

Khido V, =-.—2.2 RALRE
3222 2 48

Cau 77: Xét hinh tru (T) c6 ban kinh R, chiéu cao 4 thoa man R = 2h\/§ . (N) 1a hinh nén c6 ban kinh

day R va chiéu cao gip doi chiéu cao ciia (T ) Goi (S1) va (Sz) lan luot 13 dién tich xung

quanh cua (T) va (N) , khi do %bﬁng

2

I
N | —

Al c.2. D.
3 3

AW

Cau 78: Xét hinh tru (T ) ¢4 ban kinh R, chiéu cao 4 thoa min R = th/g . (N ) 1a hinh nén c¢6 ban kinh

ddy R va chiéu cao gdp déi chiéu cao cta (7). Goi (S,) va (S,) lan luot 1a dién tich xung

quanh cua (7') va (N), khi do %béng

2

AL B.— . C.
3

w | N
=)

N | =
Nlw



Loi giai
Chon B
NN

2 2
Dién tich xung quanh hinh nén 1a S, = 7.RI = z.RNI* +R* = 7.R., /g +R* = 27\7; .

Dién tich xung quanh hinh trula S, =27.RA =

Suy ra 5 = 1 .
2
Cau 79: Trong khong gian, cho hai diém phan biét 4, B va sb thuc duong k. Tap hop céc diém M sao
cho dién tich tam giac MAB bang k la:
A. Mot dudong thang.  B. Mot mat non. C. Mot mit tru. D. Mot mit cau.
Cau 80: Trong khong gian, cho hai diém phan biét 4, B va sb thuc duong k. Tap hop cac diém M sao
cho dién tich tam gisc MAB bang k la:

A. Mot duong thang.  B. Mot mat non. C. Mot mat try. D. Mot mit cau.
Loi giai
Chon C
B
M
H
A

Taco: S, =k< %.d(M,AB).AB =k < al(M,AB)zj—if3 :khong d6i nén tap hop cac diém

M sao cho dién tich tam giac MAB béng k 1a mot mat try c6 truc 1a duong théng AB, c6 ban
kinh » = %
AB
Cau 81: Canh bén ciia mot hinh nén bang 2a. Thiét dién qua truc cua né 1a mot tam giac can co goc &
dinh bang 120°. Dién tich toan phan ctia hinh nén 1a

A.ﬂ2(3+\/§). B. 27m2(3+\/§). C. 67a°. D. ﬂa2(3+2\/§).

Cau 82: Canh bén cua mot hinh nén béng 2a. Thiét dién qua tryc cua né la mot tam giac can c6 goc &
dinh bang 120°. Dién tich toan phan ciia hinh non 1a

A.n2(3+ﬁ). B. 27za2(3+x/§). C. 67a’. D. na2(3+2x/§).

Loi giai

Chon D

Goi S la dinh, O 1a tim cua day, thiét dién qua truc 1a S4B .



Theo gia thiét, ta c6 SA=2a va ASO =60°.

Trong tam giac SA0 vuong tai O, tacd OA4 = SA4.sin 60° = a3 .
Viy dién tich toan phan:

S, = 7RI+ 7R* = 7.0ASA+(04)' = nd® (3 +243 ) (dvdt).

Cau 83: Xac dinh thé tich khéi nén cé thiét dién qua truc 1a tam gidc déu canh m.

3 3 3 3
A T3 5.””“5. c. T3 p, T3
48 24 8 12

Cau 84: Xac dinh thé tich khéi ndn cé thiét dién qua truc 13 tam gidc déu canh m .

3 3 3 3
A.ﬂm\/g. E.mn\/g. C.ﬂm\/g. D.ﬂm\/g‘

48 24 8 12
Loi gidi

Chon B

I3 , I3 5 A 7 . m \ 5 L. , N
Bén kinh day cua khoi nén 1a 3; dudng cao cua khoi noén 1a

2 3
Thé tich cua khéi non 1a ¥ :l;z’"—.’”—‘/gz '3 .
374 2 24

my3
o

Cau 85: Trong khong gian Oxyz, xac dinh toa d¢ hinh chiéu vudng goc cua diém M (2;3;1)1én mat
phang (a):x—2y+z=0.
A. 2;2;3 . B. (5:4;3). C. é;2;é . D. (1;3;5).
2 272
Cau 86: Trong khong gian Oxyz, xac dinh toa do hinh chiéu vudéng goc ciia diém M (2;3;1)1én mat

phing (a):x-2y+z=0.

A. (2;2;3) B. (5:4;3). C. (E;Z;i) D. (1;3;5).
2 2 2
Huéng din giai

Chon C
Goi H 1a hinh chiéu cia M 1én (a). Tacé MH = a{; =(L-2;1).

x=2+1
(MH):{y=3-21.

z=1+t

H:Mm(a):>t(_)a do H la nghiém hé
x=2+t
y=3-2¢ 1

=2+t—-6+4t+1+t=0=>6=3=>t=—
z=1+t¢ 2

x=2y+z=0
Vay H(§;2;§j-
2772

Cau 87: Cho hinh chép déu S.ABCD cé canh ddy bang a, dién tich mbi mat bén bang 4. Thé tich khai
nén cé dinh S va dwdng tron day nodi tiép hinh vudng ABCD bang



na*\15 na*\15 na*\15 o, m15

- 24 8 12 18

Cau 88: Cho hinh chép déu S.ABCD c6 canh déy bang a, dién tich mdi mat bén bang a”. Thé tich khdi ndn cé
dinh S va dudng tron day ndi tiép hinh vung 4ABCD bang

na* 15 na*15 c na*15 NENE

B .

A. . . . . .
= 24 8 12 18
Loi giai

Chon A

2
J
Ta ¢6 Sy, = SM.AM = SM = =24, SO=\SM* —OM* =2 ; 2

a
2

C A1 N C s 1 a
Puodng tron day ndi tiép hinh vuong c6 ban kinh » = 3

, . . 1 2 V15
Thé tich khéi nén can tim V ==mr’h = lna—. a\/E _na \/7 .
3 3 4 2 24
CAu 89: Thiét dién qua truc ciia mdt hinh noén 1a tam giac déu canh 2a. Puong cao ctia hinh non la:
A. h=2a. B.h=a. g.h=a\/§. D.h=a23.

Cau 90: Thiét dién qua truc cia mdt hinh nén 1a tam giac déu canh 2a. Puodng cao ctia hinh non la:

A. h=2a. B. h=a. C.h=a\3. D.hz#.

Loi giai

Chon C
Xét tam gidc déu SABc6: SI =+/S4> — 14> =a /3.

Vay duong cao cua hinhnén la: =8I = a3



Cau 91: Mot hinh try ¢6 dién tich xung quanh bang 4z va c6 thiét dién qua truc 1a hinh vuéng. Dién tich
toan phan cua hinh try bang:
A. om. B. 10%@. C. 8m. D. 12=.

Cau 92: Tinh ban kinh R cta mit cau ngoai tiép mot hinh 1ap phuong c6 canh 2a.

3a

A. R=a. B. R=2a\3. C. R==7 D. R=+3a.
Cau 93: Cho hinh chép tr giac déu S.ABCD c6 cac canh déu bang a~/2 . Tinh thé tich cua khéi nén c6
dinh S va dudng tron day 1a dudng tron noi tiép tr gidc ABCD.

Ay =Y B,y Y2 c.y=" p. ¥ ="
6 2 2 - 6
Cau 94: Mot hinh tru c6 dién tich xung quanh béng 47 va co thiét dién qua truc 1a hinh vudng. Dién tich
toan phan cua hinh try bang:
A. om. B. 10%m. C. 8n. D. 12xn.
Huéng din giai

Chon A

Ta co: thiét dién qua truc cua hinh tru 13 hinh vuéng nén: / =2R.
S, =2nRl =4n < 21R2R =41 < R=1.

S,=nR’=m.

S,=8,+25,=6m.

Cau 95: Tinh ban kinh R cta mit cau ngoai tiép mot hinh 1ap phuong c6 canh 2a.

3a

A.R=a. B. R=2a/3. C. R==. D. R=+3a.
Huéng din giai
Chon D
B o o
4 ; E D
y’
F . —
Ve e

Goi O, O' lan luot 13 tAm cta cac hinh vuéng ABCD va A'B'C'D’ va goi I la trung diém cia
0O’ khi @6 ta c6 I 1a tam mit cau ngoai tiép hinh lap phuong 4BCD.A'B'C'D' .

Theo dé baitacé 00’ =2a = Ol =a; AO:%AC:ax/E.

Xét tam gide vuong AOI ¢6 IA=~AO* +10° =~Ja* +2a*> =a\3.

Vay ban kinh mit cdu ngoai tiép hinh lap phuong ABCD.A'B'C'D' 1a R=a~/3.



Cau 96: Cho hinh chép tir giac déu S.4BCD c6 cac canh déu bang a~/2 . Tinh thé tich cua khéi non c6
dinh S va dudng tron day 1a dudng tron noi tiép tr giac ABCD.

3 3 3 3
A.V:*/Eg“ : B,y —Y2ma’ c.v="% p. V=22

2 2 6
Huéng din giai

Chon D

ARl ~

D,

Ta c6: SO =+/SA> —O4* =,/(a\/5)2 ~(a) =a.

Goi R 14 ban kinh dudng tron noi tiép tir giac ABCD suyra R = A—2B =

2
3
Vzéﬁthzlﬂ.(a\/Ej .a:”a .

3 2 6

Céu 97: Mot khoi tru ¢6 hai ddy hinh tron (Z;7) va (I';7). Mit phang (f) di qua I va I’ dong thoi cat
hinh tru theo thiét dién 14 hinh vuong c6 canh béng 18. Tinh thé tich khdi tru da cho.
A. V =1458. B. V' =486. C. 486r. D. V =1458r.
Céu 98: Mot khdi tru c6 hai day hinh tron (7;7) va (I';r). Mt phang () di qua I va I’ dong thoi cét
hinh tru theo thiét dién 1a hinh vuong c6 canh béng 18. Tinh thé tich khéi tru d3 cho.
A. V =1458. B. V' =486. C. 486r . D. V =1458~r.
Loi gidi
Chon D

Ta co h:18,r2%29 suyra V=Sh=nr’h=r9.18=1458x.

Cau 99: Cho hinh tru ¢6 ban kinh day » =3 va dién tich xung quanh S = 6. Tinh thé tich ¥ ciia khbi
tru.



Cau 100:

Cau 101:

Cau 102:

Cau 103:

A.V=3m. B.V=9%. C.V =18m. D. V =6m.

Cho hinh try ¢6 ban kinh ddy » =3 va dién tich xung quanh § = 6. Tinh thé tich ¥ cta khdi
tru.
A.V =3x. B. V=9m. C.V=18m. D. V =6xn.
Loi giai
Chon B

S,=2wl < o6n=2n3l<l=1=h=1.
Thé tich khéi tru 13 V = w?h =n.3%1=9x.

Cho hinh nén ¢ ban kinh day bang 4a va chidu cao bang 34 . Dién tich xung quanh cuia hinh
nén bang:

A. 187a’. B. 207a’. C. 12za’. D. 157a’.
Cho hinh nén ¢ ban kinh day bang 4a va chiéu cao bang 34 . Dién tich xung quanh ciia hinh
noén bang:
A. 187a”. B. 207a”. C. 127za". D. 157a”.
Loi giai
Chon B

Taco I =r+h* =164* +94> =5a.

Vay dién tich xung quanh cua hinh non la: s = 7zrl = r4a.5a = 207a’.

Cho hinh chép S.4BC c6 ddy ABC la tam gidc vudng tai B, AB=a, BC =a+/3 . Biét thé tich

3
khoi choép bang % . Khodng cach tir diém S dén mat phang (A4BC) bang

A ax/g B a\/§ C 2a\/§ D 2a\/§
oy S N D. ==
Cau 104: Cho hinh chép S.4BC c6 ddy ABC 1a tam gidc vudng tai B, AB=a, BC=a~/3. Biét thé tich

3

khdi chop bang % . Khoang céch tir diém S dén mat phing (4BC) bang

A DB B, 43 c. 2B p, 243
9 3 9 - 3
Loi giai.
Chon D
5.4
3V apc _ '3 2\/551

Ta co d(S,(4BC))= =
Saanc %.a.a\/g 3



Cau 105: Nguoi ta cat hét mot miéng t6n hinh tron ra 1am 3 miéng hinh quat bang nhau. Sau d6 quéan va go 3
miéng ton dé dugc 3 hinh nén. Tinh goc ¢ dinh ciia hinh nén.

A. 20=60". B. 2¢p = 2arcsin%. C.2¢p= 2arcsin%. D. 2p=120".

Cau 106: Nguoi ta cit hét mot miéng ton hinh tron ra lam 3 miéng hinh quat bang nhau. Sau d6 quan va go 3
miéng ton dé dugc 3 hinh nén. Tinh goc & dinh ciia hinh nén.

A. 20 =60". B. 2¢p = 2arcsin%. C. 2¢=2arcsin§. D. 290 =120".

Loi giai
Chon C
Chu vi duong tron 16n: 27zR .

Chu vi hinh nén: % 27 R nén ban kinh cua hinh nén la: § .

R
. r 3 1 1 !
sinp=—=-===— nén @ =arcsin— = 2@ =2arcsin—.
=TT R 3™ 3777 3

Cau 107: Mot khdi hop chir nhat noi tiép trong mot khdi tru. Ba kich thude ciia khdi hop chir nhat 1a
a,b,c. Thé tich khéi tru 1a

A. Zﬂ(cz+ a’)b.

B. %;z(ahbz)c hoac% (b*+¢*)a hoaci (¢ +a*)b.
C. iﬂ(a2+b2)c.

D. % (b +¢*)a.

Cau 108: Cho hinh nén tron xoay c6 thiét dién qua truc 1a tam giac vudng can. Biét dién tich thiét dién do
la 8cm?”. Tinh dién tich toan phan cua hinh nén néi trén.
A. 8742 cm’. B. 167+/2 cm®. C. 1272 cm’. D. 47[\/5(2 + \/E)cmz.

Céu 109: Mot khdi hop chir nhat ndi tiép trong mot khéi tru. Ba kich thudc cua khoi hop chit nhat 1a
a,b,c. Thé tich khéi tru 1a



Cau 110:

Cau 111:

A. iﬂ(02+a2)b.
B. %n(a2+b2)c hoic %ﬁ(b2+c2)a hodc %n(cz +a2)b.
C. iﬂ(aerbz)c.
D. %ﬁ(b%rcz)a.

Loi giai
ChgnB

Khoi hop noi tiép khéi try thi ta thdy mot kich thirc cta khdi hdp s& bang chiéu cao cua khdi tru
va hai kich thudc con lai s€ 1a hai canh cua day
Goi A la chiéu cao ctia khoi hdp tacd h=a hoac h=»b hoac h=c

< Thé tich s& ¢6 gia tri iﬂ(az +b*)c hoic %ﬁ(bz +¢’)a hoge iﬂ(cz +a’)b.

B}

g i

o
\\‘ ’, //
A.Q‘_—-_.____‘-——_____;-_I

Cho hinh nén tron xoay c6 thiét dién qua tryc 1a tam gidc vudng can. Biét dién tich thiét dién d6
la 8cm?”. Tinh dién tich toan phan cua hinh nén néi trén.

A. 8742 cm?. B. 1672 cm?. C. 12742 cm?. D. 472 (2 +2 )cmz.

Loi giai

Chon D

Ta c6 dién tich thiét dién bing %12 =8=/=4=h=r=232.
Dién tich toan phan ctia hinh nén bang
S, =S, +8, = arl+ar’ =22r (22 +4) = 427 (V2 +2).

[2H2- 1] Cho hinh chir nhatl c6 canhll ,[ . Goill lin lwot 13 trung diém ciia hai canh [
va [l . Khi quay hinh chir nhat d6 xung quanh [ ta dwoc mét hinh tru tron xoay. Thé tich
ciia khoi tru tron xoay dwoc giéi han béi hinh tru tron xoay do la.



Al. B.l. C.I. D.I.

Cau 112: [2H2- 1] Cho hinh chir nhat] c6 canhl ,[ . Goill 1in lwot 12 trung diém ciia hai canh [
val . Khi quay hinh chir nhit d6 xung quanh [ ta dwgc mt hinh tru tron xoay. Thé tich
ciia khoi tru tron xoay dwoc giéi han béi hinh tru tron xoay do la.

A.l. B.l. C.I. D.I.

Loi gii

Chon A

Ta c6 thé tich ciia khéi tru la:0 010 .

Cau 113: Cho hinh tru ¢6 thiét dién qua truc 1a2 mot hinh vudéng va dién tich toan phﬁn béng 647a’ . Ban

kinh day cta hinh try bang.
A.rzg\éga. E.r:4\£€a. C.r=2a. D. r=4a.

Cau 114: Cho hinh try c6 thiét dién qua truc 1a mot hinh vudng va dién tich toan phan bang 6474’ . Ban
kinh déay cuda hinh tru bang.

8\/&1 4\/€a
B

A.r= . B.r=
3

C.r=2a. D. r=4a.

Loi giai
Chon B
Thiét di¢n qua tryc cta hinh try 1a mdt hinh vudng nén chiéu cao cta hinh tru 1a £ =2r.
Dién tich toan phan ctia hinh tru Ia S, =2nrh+ 27rt =4nr’ + 271 = 671 = 64ra’ .
64ra’ 4\/60

Do do6: r= = .
6r 3

Cau 115: Cho hinh try c6 duong cao 4 =5cm , ban kinh day » =3cm . Xét mit phang (P) song song voi
truc cta hinh tru va cach truc 2cm. Tinh dién tich S cua thiét dién cua hinh tru v6i mat phéng
(P).
A. S=55cm?. B. S=10/5cm’. C. S=3/5cm’. D. S =6v/5cm’.

Cau 116: Cho hinh try c6 duong cao 4 =5cm , ban kinh day » =3cm . Xét mit phang (P) song song voi

truc cta hinh tru va cach truc 2cm . Tinh dién tich S cua thiét dién cta hinh tru véi mat phéng

(P).
A. S=5J5cm’. B. S=10/5cm®>.  C. S=3/5cm’. D. S =65cm’.
Huéng din giai
Chon B
C
O’.
D

-------------

Thiét dién 13 hinh chit nhat 4BCD .



Goi / la trung diém AB, suy ra d(OO’,(P)) =0l =2cm.

Xét tam gidc AOI vudng tai I: Al =~/r* —OI* =~/5cm = AB =241 =2/5cm.
S ipep = AB.AD =10~/5 cm?.



Cau 1: (THTT S6 1-484 thang 10 nam 2017-2018) Qua bong d4 dugc dung thi dau tai cac giai bong da
Viét Nam t0 chtrc ¢6 chu vi cta thiét dién qua tam la 68.5(cm) . Qua bong dugc ghép ndi boi
cac miéng da hinh luc giac déu mau tring va den, mdi miéng c6 dién tich 49.83 (cmz). Hoi

can it nhat bao nhiéu miéng da dé 1am qua bong trén?
A. ~40 (miéng da). B. =20 (miéngda). C.~35 (miéngda). D. ~30 (miéng da).

Loi gidi
Chon D
Vi thiét dién qua tam 1a dudng tron ¢ chu vi 1a 68.5(cm) , nén gia st ban kinh mit cau la R ta
cO: 2ZzR=68.5=R =@
2

2
Dién tich mat cdu: S, =4zR* =4z (628—5j ~1493.59 (em?).
T
Vi mdi miéng da c6 dién tich 49.83 (sz) nén dé phua kin dugc mit ctia qua bong thi sé miéng

da cin 1a 1493'29 ~29.97. Viy phai cin ~30 (miéng da).

Cau 2: (THTT S6 1-484 thang 10 nam 2017-2018) Nguoi thg gia cong cliia mdt co s chét luong cao X
cit mot miéng ton hinh tron v6i ban kinh 60cm thanh ba miéng hinh quat bang nhau. Sau d6
ngudi thg 4y quan va han ba miéng ton d6 dé dugc ba cai phéu hinh nén. Hoéi thé tich ¥ cia
mdi cai phéu d6 bang bao nhiéu?

ATV

:—16000\/E litt. B.V= 16v27 lit. C.Vv :—16000\/5” lit. D. V = 160v27 lit.
3 - 3 3 3
Loi giai
Chon B
Doi 60cm = 6dm.
Puong sinh cta hinh noén tao thanh 1a / =6dm.

Chu vi duong tron ban dau la C =2zR =167.
Goi r la ban kinh duodng tron day cua hinh nén tao thanh.

Chu vi dudng tron day cta hinh noén tao thanh 1a 27z.r = ? =4rdm =>r= ;—” =2dm
V4

Pudng cao cua khbi non tao thanh 1a 4 = \/12 -1’ = \/62 22 =42.

Thé tich cita m&i cai phéu la 7 = %ﬁrzh L N 16‘?’ dm’ = 16*?” lit.

Cau 3: (THTT S 1-484 thang 10 nam 2017-2018) Cho hinh ling try tam giac déu ABC.A'B'C’ cb cac
canh déu béng a. Tinh dién tich S cua mit cau di qua 6 dinh cua hinh lang tru do.



B 497a’
144

A. S

Chon C

Goi mit cu di qua 6 dinh ciia ling tru la (S ) tm I, ban kinh R
Do I4=IB=IC=1I4'=IB'=IC'=R = hinh chiéu clia / trén cac mat (4BC), (A'B'C") lan
luot 1a tAm O cia AABC vatim O' cua AA'B'C’.

Ma ABC.A'B'C' 1a lang tru déu = / 14 trung diém cia 00’ = OI = 00 _ % = % .
Do O la tam tam gidc ddu ABC canh a = 4O :§AH :%# :#.

2 2
Trong tam gidc vudng OAI co: R = I4A=10* + OA* = \/(%j +[§j _av21 :

6

2la®>  Trza’
36 3

Dién tich ctia mit cau 1a: S =47R* =4r.

Cau 4: (THPT Chuyén Thai Binh-lin 1-nam 2017-2018) Cho hinh chép tam giac déu c6 canh ddy bang
\/g va chiéu cao A =1. Dién tich ciia mit ciu ngoai tiép cua hinh chop dé la:
A. S=9r. B. S=6rx. C. S=5x. D. §=27r.
Loi giai
Chgn A

T

Goi O 1a tam cia A4BC suyra SO L(ABC) va SO=h=1; 0A=§~\£~§=\/§.

Trong tam giac vudng SAO, tacd SA=+SO* +04> =/1+2 = V3.



Trong mit phang (SAO) ké trung tryc ctia doan SA cat SO tai [, suyra IS=IA=IB=1IC

nén / 1a tim mat ciu ngoai tiép hinh chép S.4BC.
Goi H la trung diém ctia S4, ta c6 ASHI ddng dang voi ASOA nén

B
SHSA 5 V3 3 . ‘ X
R=1IS= SO = " :E.Véydléntichmétcéu S,.=4nR" =9r.

Cau 5: (THPT Chuyén Thai Binh-lan 1-nam 2017-2018) Cho hinh nén ¢6 goc ¢ dinh bang 60°, dién

tich xung quanh bang 6774 . Tinh thé tich ¥ cta khdi nén di cho.

C.V=3xa’. D.V=rada.

Loi giai

Thé tich V = éﬁth = %ﬁ.OAZ.SO.

Ta c6 ASB = 60° = ASO = 30° :tan30°=%=L:>SO=OA\/§.

3

Laico S, =7Rl =7.04.54 = n.0AN 04’ +SO* =6ra’

= 0ANOA* +304° =6a”> =204 =6a° = 04= ax/§ =80=3a=V-= %7[.3a2.3a =3za’.

Cau 6: (THPT Lé Hong Phong-Nam Dinh-lan 1-nam 2017-2018) M6t cai phéu cé dang hinh non.
Nguwoi ta dd mét lwong nwédc vao phéu sao cho chiéu cao clia lwgng nwéc trong phéu bang

% chiéu cao ctia phéu. Hai néu bit kin miéng phéu réi 16n ngwoc phéu Ién thi chiéu cao cla

nwéc xap xi bang bao nhiéu ? Biét rang chiéu cao clia phéu 1a 15 cm.

Ve

0,188 (cm) D. 0,216 (cm).
Loi giai

A. 0,5 (cm) .



Chon C
Goi R, h lan luot 1 ban kinh va chiéu cao ctia phéu. Ta ¢6 =S50 =15

Goi A, R, lan lugt 1a chi€u cao va ban kinh day cua khoi nudce luc ban dau.

ho=sH=2" (h=5
Ta co 3:> R
ﬁ;& Rlzg
KR
2
Thé tich khéi nuée ¥, = %n R = n};lh

Khi quay nguoc phéu, nude trong phéu duoc biéu dién nhu hinh v&.

bit SO, = x>0, 0,4 =R’ thi chiéu cao cot nuéc méi trong phéu la 7 —x (1) va
E f— R, = ﬁ

h h

LS
R

Goi ¥, 14 thé tich khdi nén 6 chiéu cao /, ban kinh day R. Taco ¥, = énth

2.3
Goi V, 1a thé tich khdi non c6 chiéu cao x, ban kinh day R'. Taco V, = %ﬁR'zx = ﬂfhzx
2.3 3
Vi V,-V, =V, nén L rop_ 2R f LR = =Y20,
3 3h 81
\ <A A , , . x \ 3 26
Thay vao (1) ta dugc chiéu cao cdt nudc mai trong phéu la A| 1— ~(,188.

Cau 7: (THPT Chuyeén DH Vinh-GKl-nam 2017-2018) Cho hinh chop S.ABC c6 SC=2a, SC
vudng goc véi mit phing (ABC), tam gidc ABC déu canh 3a . Tinh bén kinh R cia mit cau
ngoai tiép hinh chop S.4BC.

243
=—aq.

3 D.Rza\/g.

A. R=a. B. R=2a. C.R

Hwéng dan gidi

Chon B



Goi G latrongtam AABC, I 1atrung diém canh A4B.

Ké dwong thang d qua G va song song véi SC =d L(ABC).
Trong (SCI), ké duong trung tryc cta canh SC, cat d tai O.
Khi d6, O la tam mat cAu ngoai tiép hinh chép S.ABC.

Ban kinh R clia mat cdu ngoai tiép hinh chop S.ABC 1a R = OC = CG* + OG* véi

CG=§C1=§.3“‘/§=a\B; OG=MC=%SC=a.

Vay, R =+3a’+a* =2a.

Cau 8: (THTT S6 2-485 thang 11-nam hoc 2017-2018) Cho hinh chép tam giac déu S.4BC co cac
canh bén S4, SB, SC vuéng goc v&i nhau tirng déi mét. Biét thé tich ctia hinh chép bang
3
%. Ban kinh » mat cAu ndi tiép cla tir dién la

a B. r=2a. C.rzz—a. D.r=—9%

3443 3(3+2ﬁ) 3(3+2ﬁ)

Loi giai

Chgn A
Do SA=S8B=SC nén cac tam giac S4B, SBC, SCA vuéng can tai§, do S4, SB, SC vudng
goc véi nhau tung d61 mét nén ta co:

3 3
Vs ne =éSA.SB.SC= S’é =% — SA=SB=SC=a= AB=BC=CA=av2.

Goi O 13 tAm mit cu ndi tiép hinh chop.



B
Goi G, H, I, K lan lugt 1a hinh chiéu vudng goc cua O 1én (4BC), (SAB), (SBC), (SCA)

r

= _(3SASAB + SAABC)

ta cO OG=0H=0I=0K=r va Vs ;5o =Vy isc *Vosizs T Vossc TVosca = 3

2 3
ar a a
== (3+3) === .
6 ( ) 6 3443
Cau 9: (THTT S6 2-485 thang 11-nam hoc 2017-2018) Mot khdi gb hinh 1ap phwong cé thé tich V. Mot
nguoi tho méc mudn got gitia khdi gb dé thanh mét khdi tru co thé tich ¥, . Tinh ty s6 I&n nhéat
V.

k=-27
4

A k==, B. k=2, c. k==, D. k=
4 2 4

Wy

Loi giai
Chon C

bPé k= 7 16n nhit < V, 16n nhéat < hinh tru noi tiép hinh lap phuong canh a < hinh tru c6
1

ban kinh day 1a » = OM = % = % chidu cao 1a h =00’ = AA' = a. Ta c6 thé tich khéi lap

3
= ty s6 16n nhit Ia

X < . Ai 1a za
phuong 1a ¥, = a’, thé tich khoi try 16n nhat 1a V, = zr*h =



Cau 10: (THTT So 2-485 thang 11-nam hoc 2017-2018) Cho mét tAm bia hinh ch@® nhat c6 kich thuwéc
3a, 6a. Nguwdi ta mubn tao tAm bia dé thanh bdn hinh khéng day nhw hinh vé, trong dé cé
hai hinh tru 14n lwot c6 chiéu cao 3a, 6a va hai hinh lang tru tam giac déu cé chiéu cao lan

lwot 3a, 6a.
TN
N
6a
3a
- N
H2 H3 H4

Trong 4 hinh H1, H2, H3, H4 14n luot theo thir tu ¢ thé tich 16n nhét va nho nhat 1a
A.H1,H4. B.H2,H3. C.HI1,H3. D.H2,H4.
Loi giai

Chon A
Goi cac hinh H1, H2, H3, H4 lan luot theo thi tu ¢6 thé tich V., V,,Vi,V,.
2
Ta co: V, = 7r’h 27[(6—61] 3a :2—7a3. (Vi 271 =6a = _ba )-
2 Vs 2

V,=nr’h, = ﬂ(;—;j .6a 25—77[613.(\11 2rr, =3a=r, Z;—; ).

1. 3

V,=hB= 3&(;2(1.7.2(1} =334. (Pay la tam giac déu canh 6a:3=2a).

V,=hB= 6a.(%.a.?.aj = %cf .(Pay 1a tam giac déu canh 3a:3=a).

Taco: V>V, >V, >V,.

Cau 11: (THPT Thach Thanh-Thanh Héa-nim 2017-2018) Tir mdt manh gidy hinh vuéng canh a,
ngudi ta gap thanh hinh ling tru theo hai cach sau:
e Cdch 1. Gap thanh 4 phan déu nhau rdi dung 1én thanh mot hinh ling try tir giac
déu co thé tich 1a ¥, (Hinh 1)



déu c6 thé tich 1a ¥, (Hinh 2)

Cdch 2. Géap thanh 3 phan déu nhau rdi dung 1én thanh mét hinh ling try tam giac

A e e

Pmmm e — -] -

Hinh 1. Hinh 2.

Tinh ti s6: k=5

£
A.kzﬂ. B.k:ﬂ. g.k:ﬂ D.kzﬂ.

2 9 4 8
Loi giai

Chon C
Goi canh hinh vuéng 1a a.

2 3 2 3
Khi do6 V,:(ﬁj a=L v al,= (aj ﬁ =4 \/g.Suyra kzﬁzﬁ.

4 16 3) 4 36 v, 4

Cau 12: (TT Diéu Hién-Can Tho-thang 10-nam 2017-2018) Mot hinh lap phwong c6 canh bang 24
vira ndi tiép hinh try (T), vira noi tiép mat cau (C), hai day ciia hinh 1ap phuong nam trén hai

o 4 o .
d4y cua hinh tru. Tinh ti s0 thé tich % gitra khoi cau va khoi tru gidi han boi (C) va (T).
(T)
v, v, v, |4
Ao 2 g o _ 5. clo_p p. o _3
Vy 2 (n (n iy 2
Loi giai
Chon B
B! C!
~_2
AI : i D!
AT
// ::::.::: ————
e 0 -
A% D
L , Q)—OD:—BD a2 . .
Xét khoi tru (T) co 2 = V(T) = ﬂR(T).h(T) dra’.
h..=00"=2a

(1)

Xét khoi cau (C) cod R — IB=+I0* +OB* =a* +24* =a\3 = Viey = =a437ad’.

3
3 7zR( o)



v,
Do do <2 =4/3.
Vi

Cau 13: (Trwong BDVH218LTT-khoa 1-nam 2017-2018) Cho hinh chép tam giac déu co6 canh day
bang a, goc gitra canh bén va mit day bang 60°. Tinh ban kinh mit ciu ngoai tiép hinh chop

da cho.
A 22 B. 24 C. 2*5“. D. 4*6‘1.
3 3 3 3

Loi giai

Chon A
S
1
0
A C

B

+) Goi G 1a tim dudng tron ngoai tiép tam gidc 4BC = SG L (A4BC) va SG 14 tryc clia
duong tron ngoai tiép tam gidc ABC .

+) Goi I 1a trung diém SA, dudng trung truc ciia S4 qua I va cit SG tai O

= O la tAm mit cAu ngoai tiép hinh chép va ban kinh mit ciu R = SO .

+) Ta cé: (S4,(4BC)) = SAG = 60°, AGz%AHz#.

SG:tan60°.AG:¥_\/§:a;SA SG__2a

:sin60° B
a 2a
Tach: ASIO~ ASGA =L _5C _ g0 _SISA _ o B3 _2a
0 sS4 SG a 3
2a

Viy ban kinh mit cau ngoai tiép hinh chop da cho R = SO = 3

Cau 14: (Trwong BDVH218LTT-khoa 1-nam 2017-2018) Cho tr dién ABCD c¢6 ABC va DBC lacac

tam giac déu canh a, AD= %a . Tinh ban kinh mat cau ngoai tiép tr dién ABCD.

V55 V57 V59 Jo61

A, —a. B.—a. C. —a. D. —a.
- 11 11 11 11

Loi giai
Chgn A



Goi M la trung diém cua BC suyra BC 1 AM , BC 1 DM , AM =DM (do ABC va DBC
1a céc tam gidc déu). Do d6 BC L (AMD). (AMD) 1a mit phing trung truc ciia BC.

Dung AH 1 MD thi AH 1 (BCD), d L(BCD) tai G la trong tdm ciia tam gidc DBC nén d
1a truc ctia ddy BCD. Goi O 1a giao ctia d va MK (O ciing chinh 1a giao diém ciia hai truc
ciia hai ddy DBC va ABC). Mit khac (AMD) 1a mit phing trung tryc cia BC nén

OB =0C = 04 =0D hay O 1a tim mit cau ngoai tiép tr dién ABCD .

a3 1 2

AM =DM =——; DK =—AD =—a,
2 2 3

MK? = MD? = DK? = (“Ij (3aj MK:‘“éﬁ

— DK OG DK.MG 2a\/ 2
Ta c6 tan KMD = = = 0G = =0D = OG* +GD* véi
MK MG MK 33

2 a\/g a\/g

GD=—MD = suy ra r =
3 3 11

Cau 15: (TT Diéu Hién-Can Tho-thiang 11-ndm 2017-2018) Cho mot miéng ton hinh tron c6 ban kinh
50 cm . Biét hinh non c6 thé tich 16n nhat khi dién tich toan phan cta hinh non bang dién tich
miéng ton ¢ trén. Khi d6 hinh nén c6 ban kinh day la:

A. IOﬁ(cm). B. 50«/§(cm). C. 20(cm). D. 25(cm).
Loi giai.

Chon D

Ta c6 dién tich miéng ton 1 S =7.2500 (cm”).

Dién tich toan phan ca hinh nén la: S, = 7R* +z.R. .
Théa man yéu cau bai toan ta co: 7R* + 7.RI=25007r < R*+RI=2500=4 <[= g—R .
Thé tich khéi nén la:

1 2 1 2 2 2 1 2 A ’ 2
V=-—nxR'h V==-ngR"ANI"-R" <V=—rnR".|| —R| —R
3 3 3 R

2 3 2
or-Lo. /g__zA@Vzgrsz 2A_R4©V:§,TJA__2A(R 4

8



=34 sén.g\/% D4u bang xay ra khi R :\/%zzs ,vay V' dat GTLN khi R =25.

Cau 16: (TT Diéu Hién-Cin Tho-thang 11-nim 2017-2018) Cho x, y, z la cac s6 thyc théa min
2° =3’ =67, Gid tri ctia biéu thic M = xy + yz+xz la:
A. 0. B. 6. C. 3. D. 1.
Loi giai

Chon A
Pt 2°=3" =67 =¢ véi 1t >0.

2" =¢ x=log,t
=<3 =t =><{y=log,t .

67 =t z=—log.t

1 1 _ log,t.log,t

log,6:10g,3+logt2 1 log,t+log, ¢
log,t log,t

Mit khac: log, ¢ =

M =xy+ yz +xz =log, t.log, t —log, t.log, t —log, t.log,  =log; t.1og, t —(log, t +log, ¢).log, ¢

3 2

Cau 17: (THPT Chuyén Vinh Phtic-lan 2-nam 2017-2018) Cho hinh nén dinh S ¢6 chiéu cao bang
ban kinh day va bang 2a. Mat phang (P) diqua S cat dwong tron day tai 4 va B sao cho

AB =2+/3a . Tinh khoang céch tir tam clia dwdng tron day dén (P).

A L B.a. C. av2 D.

2a
V5 2 V5

Chon D

Goi I 1a trung diém ctia AB ; dudng tron ddy c6 tim O, ban kinh R .
Ké OH L SI.Taco AB 1 SO va AB 1 OI .Suyra AB 1 OH .
Khi d6 OH L(P).Dod6 d(0,(P))=0H.

2
Tacod OI = Rz—(%j =+4a*-3a* =a.

Suy ra OH = SO0.01 _ 2a.a :2_a.
Jsorvorr i +ad 5




Cau 18: (THPT Chuyén Vinh Phtic-1an 2-nam 2017-2018) Cho hinh chop S.4BC co day la tam giac
déu canh 1, tam giac S4B déu va ndm trong mé&t phang vudng goc véi mét phang day. Tinh
thé tich ctia khéi cau ngoai tiép hinh chép da cho.

Ay =T B. V=2 R AL MY
18 3 27 54
Lo giai
Chon D

Goi M 1a trung diém cta AB .Vi ASAB déu va nim trong mit phing vudng goc voi mat
phang ddy nén SM L (A4BC). Goi I la trong tim AABC.Vi AABC déunén [ la tim dudng
tron ngoai tiép AABC . Dung duong thing d diqua / va vudng goc véi mp(ABC).
Goi J la tam la tam dudng tron ngoai tiép ASAB . Dung duong thang d' di qua J va vuong
goc v6i mp(SAB).
Goi O l1a giao diém ctia d va d'. Khi d6 O 1a tim mit cau ngoai tiép hinh chop S.4BC voi
r=0C.
Do ASAB va AABC la nhitng tam giac déu canh bang 1 nén ta co:

15 5 25\

M =—22 X2 c
32 6

2 2
Xét AOIC vuodng tai I taco: OC =+ IC* + 10? :\/(ﬁj +(£j :ﬁ_

3 6 6

372 3

Viy thé tich khdi cau ngoai tiép hinh chép d cho la:

3

4 \/B 5\/E7Z’

V=—syV—1/|n=

30 6 54

Cau 19: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho hinh chop S.4BC c¢6 day ABC la
tam giac déu canh 6a, tam giac SBC vuéng tai S va mat phang (SBC) vudng goc véi mat
phéng (A4BC). Tinh thé tich V7' clia khdi cau ngoai tiép hinh chop S.4BC.

_43 43

A. 7V =963ra’. B. V =32\3zd’. C.V=—"nd. D. V:Tmf.

Loi giai
Chon B



Goi H la trung diém cua canh BC.

Vi AABC déunén AH 1 BC.

Vi (SBC) L(ABC) va (SBC)n(ABC)=BC nén AH L (SBC).

Do H la tim dudng tron ngoai tiép tam giac SBC nén AH 1a truc dudng tron ngoai tiép ASBC
Vi AABC déu nén trong tim G chinh 13 tim dudng tron ngoai tiép tam giac.

Vaytaco GA=GB=GC.Ma G € AH nén GS =GB =GC.

Suyra GS=GA=GB=GC. Viy G 1a tim mit ciu ngoai tiép khéi chop S.4BC.

Ban kinh: R = GA = %m? =2J3a.

\ oy . 3
Theé tich khoi cau ngoai tiép hinh chop la: V' = g.ﬁ(Z\/ga) =32\37d’ .
Cau 20: (THPT Nguyén Khuyén-TPHCM-nim 2017-2018) Cho hinh nén () c6 goc & dinh bang
60°. Mat phang qua truc ctia (N) cat (V) theo mét thiét dién la tam giac co ban kinh duwong

tron ngoai tiép bang 2. Tinh thé tich khdi non (N).

AV =33r. B. V =437. C.V=3r. D. V=6r.
Loi giai
Chon C
S
B
A 0

Tam giac SAB déu vicod S4 =SB va ASB = 60°.
Bén kinh duong tron ngoai tiép tam giac SAB 1a: r = %SO =2<S0O=3.

Ma SO = SA4.sin 60° = SA = .SO :izz\/}
sin 60° \/5




AB 23
——7=\/_.

Vay ban kinh duong tron ddy cua khéi non 1a: R = > - 3

, ‘. 1 2
Vay thé tich khéi non 1a: ¥ = E;z.(\/§ ) 3=371.
Cau 21: (THPT Nguyén Khuyé’n-TPHCM-ném 2017-2018) Cho hinh hép chir nhat ABCD.A'B'C'D’
c6 AB=6, AD=8, AC'=12. Tinh dién tich xung quanh S, cua hinh tru cé hai dwong tron
day la hai dworng tron ngoai tiép hai hinh chi» nhat ABCD va A'B'C'D’.

A. S, =2011r. B. S, =101z
C. s, =10(211+5). D. S, =5(4/11+5) .
Loi gidi
Chon A
A B
| ’
I .,'
Lo
|
3/ R S
, Hc.‘m /'
o«

D e

2 2
Bén kinh dudng tron ddy R = AT - %.\/ABZ L AD? = —“6;8 =5
Duudng sinh ctia hinh tru /= CC' =+/AC” — AC> =127 -10% =24/11.
Vay S, ctahinhtrula S, =27RI=27.5211=2011x.

Ciu 22: (THPT Chuyén Hung Vwong-Binh Phudc-Tan 2-nam 2017-2018) Cho khéi tru c6 ban kinh
day p va c6 chiéu cao = 2R. Hai ddy cua khdi tru 13 hai duong tron ¢ tim lan luot 1a o va
0'. Trén duong tron (0) ta ldy diém 4 c6 dinh. Trén duong tron (0) ta liy diém p thay

d6i. Hoi do dai doan 4p 16n nhat bang bao nhiéu?

A. AB_ =2R\2. B. 4B =4R\J2. C. 4B =4R. D. 4B =R\2-
Loi gii
Chon A
A, =
I \‘\‘l E M

é
s

Goi 4pp7 1a thiét dién di qua truc ctia khéi tru.



Véi mdi diém p thay dbi trén duong tron (0'), goi Bps 1a duong sinh cua try, ps thudc
duong tron (0O), khi do:

AB? = AM? + MB? = AM? +4R> < AE® + 4R? - (Day cung ludn bé hon hoéc bang duong kinh)
Suyra 4B = AE’+4R*=8R’.

Vay 4B =2R2 khivachikhi g4ps = 4g hay pf tring g, p trung .

Ciu 23: (THPT Chuyén Hung Vwong-Binh Phuéc-l1an 2-ndm 2017-2018) Cho khdi lang try dimg tam
gidc 4BC.A'B'C' c0ddy 4BC 1atam gidc vudngtai 4 V& 4B=q, 4C =qa+/3> AA' =2a- Tinh
bankinh p cta mat cau ngoai tiép khéi ling tru do.

a2

A. R=2a\2. B.R=a. C.R=a\2. D. R==2.

Loi giai

Chon C

Ta c6 tam giac ABC vudng tai A4 nén tim duong tron ngoai tiép tam gidc 4BC 1a trung diém
I ctia BC. Goi trung diém ctia B'C’ 14 I' thi tAm mit cau ngoai tiép khoi lang tru
ABC.A'B'C’ thudc duong thang I1".
Xét hinh chit nhat BCC'B’ ¢6 tAm cua hinh chir nhat 13 trung diém O cua II'.
Tam giac ICO c6 OC =+ I10* +IC?
Ma II' = A4’ =2a, BC =2a,nénban kinh R=0C =av/2.

Cau 24: (THPT Hau Loc 2-Thanh Héa-an 1-nam 2017-2018) Cho hai hinh vuéng c6 canh déu bang 5
duwoc xép lén nhau sao cho dinh M cla hinh vudng nay la tdm cla hinh vuéng kia, duwéng
chéo MN vudng goc voi canh PQ tao thanh hinh phang (H) (nhw hinh v& bén). Tinh thé

tich /' cla vat thé tron xoay khi quanh hinh (H) quanh truc MN .

125(1+\/§)7r 125(5+2J§)n
- B.V =

AV



125(5+4\/§)7z 125(2+\/§)7r
——— D. V=
Loi giai

C.V=

Chon C

Khi quay hinh phang (H ) quanh truc MN ta dugc khéi tron xoay, c6: phan trén 1a khéi tru
con phan dudi 1a khéi nén cut tao boi hinh thang CDQP va khdi non tao boi tam gidgc NPQ ;
céc khdi nay c6 chung duong kinh day PQ.

5
A B

Ta c6 MN = PQ = MQ* +ON* =52
MN CD 5J2-5

Chiéu cao cua hinh nén cut CDOP 1a h= - 5 = 5

2
Thé tlchkh01tm V.= ”(CZDJ PS:”'(%J .5=#.

Thé tich khoi nén cut tao boi hinh thang CDOP 1a
2
V1:—7r PQ CD +PQ CD 7
3 2 2 2 2

lﬁ[(ﬂJZJ{éT 5v2 5] 5V2-5 12577(2\/5_1)
3

2 2 2 2 2 24
Thé tich khdi nén tao boi tam gidc NPQ la

. (PQ) MN n(sfj 5V2 125742
=3 .

2 )72 31 2 2 12

Vay thé tich /' ciia vat thé tron xoay khi quanh hinh (H ) quanh truc MN la

1257 1257(2V2-1) 1o5.07 1257(5+42)
_1257 N _ |

4 24 12 24

Cau 25: (THPT Chuyén Lam-Thanh Héa-Ian 1-nam 2017-2018) Cho hinh chop S.4BCD c¢6 day
ABCD 14 hinh thoi canh a, goc BAD =120°. Canh bén S4 vudng géc véi day (ABCD) va
SA =3a . Tinh ban kinh R cta mit ciu ngoai tiép khéi chop S.BCD .

fa fa S5a 4a

AL R=—— B. R=—— C. R—3 D. R=—.

Loi giai



Chon C

Xét hinh thoi ABCD c6 BAD =120° nén AD = AC = AB ,suyra A la tdm dudng tron ngoai
tiép da giac day BCD.

Theo gia thiét S4 vudng goc véi day (ABCD) nén duong thang SA4 1a truc ctia day BCD.
Goi M 1a trung diém SD, trong mit phing (SAD) ké duong thing d vudng goc véi SD tai
M, d cit SA tai 1. Tacod I 13 tAm mit ciu ngoai tiép khéi chop S.BCD.

Lacdo R=1IS.
a0 s
Ta co AISM - ADSA= 2> - SM _ g _SM-DS __ 2 _da.
DS A 54 3a 3

Cau 26: (THPT C6 Loa-Ha Noi-lan 1-nawm-2018) Cho hinh thang cAn ABCD c¢6 day nho 4B =1, day
Ion CD =3, canh bén BC =DA4 = V2. Cho hinh thang d6 quay quanh AB thi dugc vét tron
xoay co the tich bang

4 5 2 7

A —rx. B. —rx. C.—r. D.—rx.
3 3 3 3
Loi giai
Chon D
N : © D
1ot
Bo ot

Goi V' 1a thé tich vat tron xoay can tim. V., V, lan luot 1a thé tich cta khdi nén dinh 4, va
dinh B, V, 1a the tich khoi try tryc O'O nhu hinh v&.

Goi A', B' 1an luot 13 hinh chiéu vuong goc cia 4, B trén canh CD.

Suy ra A4A'D = ABB'C (canh huyén — goc nhon).

Suyra 2A'D=CD-A'B'=3-1=2.Suyra AD=B'C=1.



Mat khac O'C =V BC* - BO"” =1
Taco AO=BO'=1va OD=0'C=1néntaco V,=V,.

Thé tich vat tron xoay can tim 1a

V=V,=-2V = ﬂ.RZCD—Z%ﬂR2.AO = 7R’ (CD—%AO].
2

V= ﬂ.lz.(?a——j =Ziz.
3 3

Cau 27: (THTT S6 3-486 thang 12 nam 2017-2018) Cho hinh try ¢6 ban kinh day bang a va chiéu cao
bang /. Tinh thé tich I/ clta khdi lang tru tam giac déu néi tiép hinh tru da cho.

2 2
A_V:\/gah_ E.V=3\/§ah.
4 4
2 2 2 2
c.v== hz+4a h_+a_. D.V=3\/§7mh_
3 3 Va3 4
Loi giai
Chon B
B
H,—,
g —
------------- B

Ta c6 tam gidc déu ABC c6 dwong cao CH :%CO :%a nén canh AC =2C—H =a 3.

NG
(ax/g)z 3 _ 3a2\3 |

Suyra S =
y AABC 4 4

2
Lai c6 CC' = h. Vay thé tich khéi lang tru cantmla v =S, ,,..CC' = 3 \/54‘1 U .

Cau 28: (THTT S6 3-486 thang 12 nam 2017-2018) Cho t& dién ABCD c6 tam giac ABC la tam giac
can v6i BAC =120°, AB= AC =a. Hinh chiéu ciia D trén mét phng (4BC) la trung diém



BC . Tinh ban kinh R cGa mét ciu ngoai tiép t& dién ABCD biét thé tich cua tir dién 4ABCD

3
a

avV=—.
16

\91a

A. R= . B.
8

D. R=6a.

Chon A

Goi H la trung diém BC.

C6 AB=a, BAH =60° :>AH=%; BH:—a23 va BC=a 3.
1 a 1 1 3 a3
VABCDZEDH'SABC @RZEDHE(JZTQDH: .

Vay DA =+ AH’ + DH> =¥.

Goi O 1a tam duong tron ngoai tiép tam gidc ABC thi ban kinh dudng tron d6 la

R=A40= B.C =a.Vay H latrung diém AO.

2sin 4
K¢ truc dudng tron ngoai tiép tam gidc ABC, duong thing nay cat AD tai S véi D 1a trung
didém SA.Vay SO =2DH = "23 , SA=2DA= "‘2/7 va SM =%SA= 3‘2/7 .

Tir trung diém M cua doan AD ké dudng vudng goc voi AD, cit SO tai I .
D& dang ¢ I 1a tAm mat cau ngoai tiép tir dién ABCD .

Hai tam giac vuéng SAO va SIM dong dang nén MI_ SM => Ml =a. 37a = a21 .
04 SO q a3 4
S 2

Ban kinh mit cau bang R, = ID =~ MI* + MD* =

a 91
5



Cau 29: (THPT Chuyén Lé Hong Phong-Nam Dinh-lan 2 nam 2017-2018) Mot ngudi ding mot cai
ca hinh ban cau (MGt niva hinh cau) 6 ban kinh la 3(cm) dé mic nwéc d6 vao mét cai thing
hinh tru chiéu cao 10(cm) va ban kinh day bang 6(cm). Hoi ngudi &y sau bao nhiéu lan d6

thi nwdc day thung? (Biét méi 1an d6, nwéc trong ca ludn day)

—

’

A. 10 lan. B. 24 lan. C. 12 lan. D. 20 lan.
Loi giai

Chon D

Thé tich nwé'c cdn muc bang thé tich cta tru: V = zR’h = 76’10 = 36O7r(cm3 )

Thé tich ctia m&i ca nwdc bang mét niva thé tich khdi cau ban kinh 3(cm), nén thé tich nuéc

méi Anmacla V' = L4 230 :187r(cm3).
23

60z

Suy ra sb lan cAn muc dé db day thung nwoc la: =20 (1an).

T

x+3

Cau 30: (SGD Vinh Phtic-KSCL lan 1 nam 2017-2018) Cho ham s6 y = 5
X+

c6 do thi (C). Tinh
tong tat ca cac gia tri clia m dé duong thang d : y =2x+m cét do thi (C) tai hai diém phan
biét 4, B va cattiém can ding cla (C) tai diém M sao cho MA* + MB* =25.
A. 10, B.9. C. 2. D. 6.

Loi gidi
Chon A
Phuong trinh hoanh d¢ giao diém cua (C) va d la:

x+3

) =2x+m ®2x2+(3+m)x+2m—3=0 (1), (x#-2).

Puong thang d cit (C ) tai hai diém phan biét 4, B < Phuong trinh (l) c6 hai nghiém
phan bi¢t khac 2
A=(3+m) —42.(2m-3)>0 @{m2—10m+33>0
2.(=2) +(3+m).(-2)+2m-3%0 =120
Khi do, goi A(x;;2x,+m); B(x,;2x,+m) va M (-2;m—4).

& (m-5)"+8>0,Vm.

Tacod MA® + MB> =25 & (x,+2) +4(x, +2) +(x, +2)" +4(x, +2)" =25



< (x +)C2)2 —2x0x, +4(x +x,) =5 (%).

Theo Viét, ta ¢d x, +x, =~ xx, = 2773
2 2
m* +6m+9 m=5+4/3

Thé vao (*) duge: ~4m-8=0 < m’-10m-23=0 <

m=5-43
Vay (5+443)+(5-443)=10.
Cau 31: (THPT Lé Vin Thinh-Bic Ninh-lin 1 nim 2017-2018) Cho tam giac ABC déu canh 3 va noi

tiép trong duong tron tim O, AD la duong kinh cta dudng tron tim O. Thé tich cua khoi tron
xoay sinh ra khi cho phan t6 ¢dam (hinh vé& dudi dy) quay quanh dudng thing AD bang

y

|o

HA

B\</C

D

Av2B, B. 2337 cy-BB p, 337
8 8 24 8
Loi giai

Chon B

Goi V] 1a thé tich cua khdi cau c6 duoc bang cach quay hinh tron tim (0) quanh truc 4D .
Goi V, la thé tich cua khdi non co duoc bang cach quay tam giac AHC quanh truc AD .
Thé tich can tim 1a ¥ =V, - V.

Duong tron tim O ¢6 bankinh R=04=+3.Ta cé ¥, =§7z(\/§)3 =437

33 ﬁ(gjﬁz%@z

Khdi non ¢b ban kinh day rzé, chiéu cao h==—", do d6 v, =l. .
2 2 3 2 \2 8

Thé tich can tim 1a ¥V =V, -V, = 23?” .

Cau 32: (THPT Lé Van Thinh-Bic Ninh-Ian 1 nim 2017-2018) Cho hinh chép S.4BC c6 SA vuodng
gbc voi (ABC), AB=a, AC = a\/i, BAC = 45°. Goi B,, C, lan luot 13 hinh chiéu vudng goéc
cia A 1én SB, SC . Tinh thé tich mit cau ngoai tiép hinh chép A.BC CB,.

3 3
Ay = TEN2 B.V=r1d\2. c.v=2za. p.v="2

A. 3 3 77

Loi giai

Chon A



B

Tacé BC?* =a* +2a* —2.a.a\2.c0s45°=a> = BC=a.
Suy ra tam giac ABC vuong tai B .

BC 1 AB
BC 1 84
AB, L CB
AB, 1L SB
Goi I 1a trung diém AC, suyra IC=14=1B.
Tam giac AB,C vudng tai B, suyra IC=14=1B,.
Tam gidc AC,C vuong tai C, suyra IC =14=1IC,.

}:BCJ_(SAB) = BC 1 4B,.

}: AB, L (SBC) = 4B, LCB,.

a2

Do d6 hinh chép A.BCC,B, noi tiép mat cau tim 7, ban kinh r = 14 = o

(1\/5}3 _ a37r\/5 .

2 3

Viy thé tich mat cdu ngoai tiép hinh chép 4.BC CB laVv= gﬂ'[

Cau 33: (THPT Triéu Son 3-Thanh Hoéa nam 2017-2018) Mot k¥ su thiét ké mot cay cdt ang-ten doc
dao gdm cac khoi cau kim loai xép chong 1én nhau sao cho khéi cau & trén c6 ban kinh bang
mot nira khdi cau & dudi. Biét khdi cau dudi cing c6 ban kinh bang 2 m. Chiéu cao ciia ciy
cOt ang-ten
A.Khong qua 6 mét. B.Caohon 10 mét. C.Khong qua 8 mét. D. Cao hon 16 mét.

Loi giai
Chon C
Gia str cot dngten gdm c6 n khdi cau kim loai xép chdng 1én nhau.
Khi d6 khi cau dudi cung c6 chiéu cao i =2R, =2.2=4 (mét).

1
Khéi thtr 2 (tinh tir duéi 1én) c6 chidu cao h, = 2R, = GJ h =2 (mét).

2
Khéi thtr 3 (tinh tir dudi 1én) c6 chiéu cao h, = 2R, = %hz = (%) h =1 (mét).



n-1
Khéi thtt n (tinh tir dudi 1én) ¢6 chiéu cao h =2R, , = %hﬂ_l = (%} h, (mét).
Suy ra chiéu cao 4 cua cot dngten la:

1 1 1 2 1 3 1 n—1
h=h+h+h +..+h, =h1+(5] hﬁ(;] h1+(5j hl...+(5] h, (mét).

A ’ N A 5 A A A A N A re A A A A A 1
Day chinh 1a tong cia mot cap so nhén Iui v6 han véi s6 hang dau tién 4, =4, cong boi g = 5

Vay chiéu cao ctia angten co thé dat dugc la:

1 1 1 2 1 3 1 n-l1
S=h+h+h+..+h, :h1+(5j h,+(5] h‘+(5j hl...+(5] h, (mét).

:hl[ll__qqn] ’{:(%H 4{:(%” :8{1_@”}8(@0

2

(Dé tham khao BGD nam 2017-2018) Cho ti dién déu ABCD c6 canh bang 4. Tinh dién tich xung quanh
S,, ctia hinh tru c6 mot duong tron day 1a duong tron ndi tiép tam giac BCD va chiéu cao bang chiéu

cao cua tur dién ABCD.

16727 16337

AS, =5 B. S, =82x. C. S, =— D. S, =8/37.
Loi giai
Chon A
C
2
Tam giac BCD déu canh 4 c6 dién tich: S,., = # SYNCE
3
Ap dung cong thirc tinh nhanh thé tich khi ttr di¢n déu canh a 13 V = 2 1\2/5 = Vipep = 136 V2.

3V asep _ 42 .

SBCD - \/g

Ban kinh day dudng tron ndi tiép tam gidc BCD: r = S =
P

= Do dai duong cao khéi tir dién: /=

M3 243
6 3



23 42 16v2x
3B 3

Vaéy dién tich xung quanh cua hinh try la S, =27rh=27.



Ciu 1: (THPT Triéu Son 1-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh
vudng canh a. Canh bén S4 vudng goc voi mat day (ABCD) va SA=a. Goi E la trung
diém ciia canh CD. Mit cau di qua bon diém S, 4, B, E c6 ban kinh I3

a4 a4 a4 o, a2

A. . B. . C.

= 8 24 16 T
Loi giai

Chon A

Goi H, M lan luot la trung diém cua AB, SA. Goi I 1a tm cua duong tron ngoai tiép
AABE, d 1a tryc cia duong tron ngoai tiép AABE suy ra d//SA, AINnBC=K suy ra
d N SK =0 thi O la giao ciia mit phang trung truc ctia canh bén S4 va truc d cia day ABE
nén O la trung diém cia SK va la tAm mit cAu ngoai tiép hinh chop S.ABE . Do d6 tir giac
MOIA 1a hinh chir nhat nén /4 = MO.

2
Taco AE=BE=|a*+[ %) =25 nen trong A4BE ta cb Sy, =~a® = AAEBE i g
2 2 4R
1a ban kinh duong tron ngoai tiép tam giac. Suy ra R = AB;# = 5?61 =1I4.
a

Xét ASMO vuong tai M ta co:

2 2 2
r=80=~SM*+MO’* = /(%} + 147 :1f%+ 223 =4 841 1a ban kinh mat cdu ngoai tiép

hinh chép S.4ABE .

Cau 2: (THPT Triéu Son 1-Ian 1 nam 2017-2018) Mdt binh dung nudc dang hinh nén (khong c6 day),
dung day nude. Nguoi ta tha vao d6 mot khdi cdu khong tham nudce, c6 dudng kinh bang chiéu
cao cua binh nudc va do dugc thé tich nude tran ra ngoai 1a ¥ . Biét rang khéi cau tiép xuc voi
tit ca cac dudng sinh cua hinh nén va dung mot nira cua khdi cau chim trong nude (hinh bén).
Tinh thé tich nudc con lai trong binh.

AN~
[SEEE
B



Chon B

Gia st R, r 1an luot 1a ban kinh mit cau, ban kinh mit nén.

Xét AAHI vuong tai H ta cé:sinﬁ[]z%:% — HAI =30°

Xét AABI vudng tai I taco:tan30°=—— =y = 23R
2R 3
3
Thé tich nudc tran ra ngodi la ¥ = 124 g 2R
23 3
2 3
Thé tich khéi nén 1V, =+ 7 23R\ ), _87R
3 3 9
3 3 3
Thé tich nude con lai 1a V,= 8zR” _ 27Z3R = 27Z9R =V, = %V.

Cau 3: (THPT Kim Lién-Ha Noi nam 2017-2018) Cho tir dién ABCD ¢6 AB =4a, CD = 6a, cac canh
con lai c6 do dai a+22 . Tinh ban kinh R mit cau ngoai tiép tr dién ABCD .
wNT B. R=24 . R=W8
3 2 3
Loi giai

A. R= D. R=3a.

Chon C

A

Goi M, N lan luot 1a trung diém CD va AB.
. |ABLCN N Y 13

Ta co: N DN:> AB 1 MN ; tuong ty CD L MN . Suy ra MN la dudng trung tryc va la

doan vudng goc chung cua AB va CD.

Goi / 1a tAm mit cau ngoai tiép ABCD thi I thudc MN .

Xét tam gide ANC vudng tai N c6: CN =+ AC* — NA® =~/22a° —4a> =3\2a.

Xét tam gide CMN vudng tai M ¢6: MN = CN> —CM? =~/184° —94> =3a..




Lai co:

IM +IN =3a IM +IN =3a IM +IN =3a
2 2 2 2 < 2 2 2 2 < 2
IM?* +MC? =IN’ + NA IM? —IN? = NA* - MC (IM +IN)(IM —IN) =—5a
IM +IN =3a m=2a
Tl -mv=-2 73 '
e IN==a

Vay béan kinh can tim 1a R =~ IM* + MC* = W =‘J§_5'a -

Cau 4: (THPT Kim Lién-Ha N6i nam 2017-2018) Trén ban c6 mét cdc nudce hinh tru chira day nude, co
chidu cao bang 3 lan duong kinh ciia day ; mot vién bi va mot khéi non déu bang thay tinh.
Biét vién bi 1a mot khdi cau c6 dudng kinh bang cua cde nude. Ngudi ta tir tir tha vao cde nude
vién bi va khdi nén d6 ( nhu hinh v& ) thi thiy nudc trong cdc tran ra ngoai. Tinh ti sd thé tich
ctia lugng nude con lai trong cde va luong nude ban dau ( bo qua bé day cua 16p vo thay tinh).

—
v
\ 1
\ 1
\ 1
\ 1
\ 7
\ 1
\ 1
\ 1
\ 1
\ U
\ !
\ 1
\ 1
\ 1
\ 1
A
AW
—‘J‘~\
/, \\\
Il, ________ ~ k
-
% y
-
5 2 1 4
A, = B. —. C.—. D. —.
9 3 2 9
Loi giai
Chon A

Goi ban kinh duong tron day cua hinh tru 1a R.

Theo gia thiét va hinh v& thi:

e Hinh try ¢6 ban kinh duong tron ddy 1a R, chiéu cao 1 6R .

e Mit cau c6 ban kinh 1a R.

e Hinh nén c6 ban kinh dudng tron day 1a R, chiéu cao 1 4R .

Thé tich lugng nudc ban ddu ¥ bang thé tich khdi tru nén ¥ = 7R>.6R = 67R’.

Thé tich lwong nuéc tran ra Vi bang tong thé tich kh6éi non va khdi cau nén
4 87R’

V1=l7zR2.4R+—7rR3: :
3 3 3

3 3
Thé tich lugng nudce con lai trong coe 1a V,=V-V, = 67R° — 87I3R _ 107;12 .
107R’
)

67R> 9

r o A R o7 5 r \ . \ r A \ V
Do do ti so thé tich ctua lugng nudce con lai va lugng nude ban dau la: —2 =



Cau 5: (THPT Kién An-Hai Phong nim 2017-2018) Cho hinh 13ng try déu ABC.A'B'C’, biét géc giita hai mit
phang (A'BC) va (ABC) bang 45°, dién tich tam gidc A'BC bang a>~[6.. Tinh dién tich xung
quanh ctda hinh tru ngoai ti€p hinh lang tru ABC.A'B'C".

2 2
A. M. B. 274> C. 4rd’. p. 74 ‘/5.
3 3
Loi giai
Chon C
Ak c’
N -

Goi M 1a trung diém BC.Khi détaco BC L AM , BC L A'M
Suy ra: ((A’BC),(ABC)) = AMA=45° = A'A= AM . Goi O 14 trong tam tam gidc ABC.

x\/§ x\V6

bat BC=x, x>0.Taco AM:A'AzT:A'MzT.

1 xzx/_

Nén Syype =5 A'M.BC == ® _ 6= x=2a.

2a\/§ _ 2a\/§
3

2

va Ad=a3.

Khi do: AOz%AM :%

Suy ra dién tich xung quang khdi try 1a: S, =2m.04.4'4=2r. 20;/5 a3 =4ra*.

Cau 6: (THPT Kién An-Hai Phong nim 2017-2018) Cho nira hinh tron tim O, dudng kinh 4B . Nguoi ta
ghép hai ban kinh O4 , OB lai tao thanh mdt xung quanh cua hinh nén. Tinh goc ¢ dinh cua

hinh n6n do.

A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai

Chon C




Goi R, r lan luot 1a ban kinh cta nira hinh tron tdm O va hinh nén.
Hinh nén ¢6 dudng sinh / = 04 = R va chu vi dudng tron day bang nira chu vi hinh tron tim

O, duong kinh 4B . Do d6 27zr=7rR<:>r=£.

Goi / 1a tdm duong tron ddy cua hinh non.

—

q01=41 _ — A0l =30°.

Xét AOAI vuodng tai I co : sin AOI “on

= |

1
2
Do d6 goc ¢ dinh ctia hinh nén bang 60°.

Cau 7: (THPT Chuyén Trin Pht-Hai Phong Iin 1 nam 2017-2018) Mot doi xdy dung can hoan thién
mot hé théng cOt tron cua mot ctra hang kinh doanh gém 10 chiéc. Trude khi hoan thién mdi
chiéc cot 1a mot khdi bé tong cbt thép hinh lang tru luc giac déu c6 canh 20 cm; sau khi hoan
thién (bang cach trat thém vira vao xung quanh) mdi cot 1a mot khdi tru ¢6 duong kinh day
bang 42 cm. Chiéu cao ctia mdi cot trudc va sau khi hoan thién 1a 4 m. Biét lugng xi ming

can dung chiém 80% lugng vita va ctr mot bao xi ming 50 kg thi twong dwong véi 64000 cm’

xi mang. Hoi can it nhat bao nhiéu bao xi mang loai 50 kg dé hoan thién toan bo hé théng cOt?
A. 22 bao. B. 17 bao. C. 18 bao. D. 25 bao.
Loi giai

Chon C

20°\/3

4

Thé tich 10 cAy cot cAn hoan thién la: ¥ =10x400x (;;212 -6 j =1384847,503 (com’).

1384847,503x&

S6 bao xi ming can dung la: ~17,3106
64000

Caiu 8: (THPT Chuyén Tran Phi-Hai Phong lan 1 nam 2017-2018) Cho hinh chép S.4BCD c6 day 1a
hinh chit nhat AB=3, AD=2. Mit bén (SAB) 1a tam gidc déu va ndm trong mit phing

vudng goc v6i day. Tinh thé tich ¥ cta khdi cau ngoai tiép hinh chép di cho.

AV =2E B. V=222 c.y=197 p.y =17
3 3 3 3

Loi giai
Chgn A



Goi E 1a trung diém 4B

D@ thiy SE L (ABCD).

Dung truc d qua O va song song v6i SE .

Goi G 1a trong tim tam giac ABC . Puong thing di qua G vudng goc v6i mit phing (ABC)
cat d tai 1. I 1atam khéi cdu ngoai tiép hinh chop S.4ABCD .

33 2

Ta co SE:T:SG:ESsz/g.

GIzEOz%ADzl.

R=SI=~SG*+GI* =J4=2.

Suy ra thé tich khdi cau ngoai tiép la:

V:iﬁR3 :iﬂ'.8=32—7[.
3 3

Cau 9: (THPT Ha Huy Tap-Ha Tinh-1an 1 nam 2017-2018) M6t hop stta hinh tru cé thé tich V' (khéng d6i)

dugc lam tir mét tdm tdn cd dién tich dd 1én. N&u hop sira chi kin mot day thi dé ton it vat liéu nhat,
hé thirc giita ban kinh ddy R va dudng cao /4 bang

A h=R. B. 1 =~/2R. C. h=+/3R. D. h=2R.
Loi giai
Chon A
s ~ ~ N 2 V
Thétichhépsttala V=xR'h = h= >
7R

s . 2V
Ta co dién tich cta tdm tén dé lam hop sirala S = qu + dey =27Rh+7R* = ?+ TR,

2
vay S :%+%+7IR2 2313’%.7ZR2 =3R/zV*.

Vay S . =3/zV?* khi K:77R2<::>h:

min 2

=R.

Cau 10: (THPT Ha Huy Tap-Ha Tinh-Ian 1 nam 2017-2018) Cho t& dién déu ABCD c6 canh bang a.

Hinh nén (N) c6 dinh A4 va dudng tron day 13 dudng tron ngoai ti€p tam gidc BCD . Tinh thé tich
cta khéi nén (N)



7[\/3(13 \/6(13 7[\/6613 7[\/6613

ATV = . B. V= C.V= . D. V= .

27 27 9 - 27
Loi giai

Chon D

5 _afi

. 2
Goila O tdm clha tam giac déu BCD.Tacé AO=h, OC=r:>r=§a—=

2 3
2
2
Suyra h2=a2—r2=a2—(a\3/§] :2a = a\/E.

, , 1 1 a* a2 3
Vay thé tich khGi nén 1a V7 :§7zr2h :—ﬂa—a[ - 76

373 3 27
Cau 11: (THPT Lwong Thé Vinh-Ha N6i nam 2017-2018). Cho hinh tru c6 dién tich toan phﬁn la 4
va co thiét dién cat boi mat phang qua truc 1a hinh vudng. Tinh thé tich khéi try?
A.”—*/g. B. 4”\/3. C.”—\/g. p. 2%
9 9 12 9
Loi giai

Chon B
Vi thiét dién cat boi mat phang qua tryc 13 hinh vudng nén khéi try ¢ chiéu cao bang 2r.

Taco: S, =4x S 2t +2nrl =4 < 6nrt =4rx :>r=\/Z

3
5 22 _4nl6

Tinh thé tich khdi tru 12 V = zr’h = 221° =27 )
339

Cau 12: (THPT Dtec Tho-Ha Tinh-Ian 1 nam 2017-2018) Mot tam ton hinh tam giac déu SBC ¢6 do
dai canh bang 3. K 1a trung diém BC. Nguoi ta dung compa c6 tim 1a S, ban kinh SK vach
mot cung tron MN . Ly phan hinh quat go thanh hinh nén khéng c6 mat day véi dinh 1a S,
cung MN thanh dudng tron day ctia hinh nén (hinh v&). Tinh thé tich khdi non trén.

. ~

’ N

{8

B K C
4 7105 3z c 373 p, Y141
64 BV 32 T 64



Chon A

Ta co SK :SBﬁzﬂ.
2 2
Dién tich phan hinh quat1a S, = l7rSK2 = lnﬂ _m .
! 6 6 4 8
Goi r la ban kinh day cta hinh nén. Suy ra 277 = %ZESK =>r= % = ?

Chiéu cao ctia khdi nén bang 7 =+/SK* —r* = %

Thé tich bang V:lmﬂzh:lﬂi._“loS: 7105 ‘
3 3"16 4 64

Ciu 13: (THPT Théang Long-Ha Ngi-lan 1 ndm 2017-2018) Cho tir dién déu ABCD c6 @6 dai canh
bang a, (S) la mat cau tiép xuc voi sau canh cua t dién ABCD. M 1a mot diém thay doi trén

(S). Tinh tong T = MA® + MB> + MC* + MD" .

2
A. 3% B. . C. 4a’. D. 24°.
Loi giai
Chon D
Goi 7 1a thm mit cau (), theo gid thiét thi 7 1a thm cia tir dién déu 4BCD.Goi O 1a thm
2
tam giac BCD thi AI=§AO:§.a\/€ =&; Re |ap _AB a2
4 43 4 4 4

Taco T = MA> + MB* + MC* + MD* = MA' + MB +MC +MD'
—_ —\2 —_ —\2 —  —\2 —  —\2
= (MI + IA) +(M1 + IB) + (M] + IC) + (MI + ID)
=4MI* +2W(ﬁ+ﬁ§+f‘+i))+4mz
=4(R* +14°)
=2a".
Cau 14: (THPT Thang Long-Ha Néi-lan 1 nam 2017-2018) Cho hinh nén c6 thiét dién qua truc la tam
giac déu. Goi V., V, 1an luot 1a thé tich cta khéi cAu noi tiép va noi tiép hinh nén da cho. Tinh
14
v, .
A. 4. B. 2. C. 8. D. 16.
Loi giai



Chon C

Gia sir canh ciia tam giac déu SAB bang 1.

Goi thiét dién qua truc hinh nén 1a tam giac déu SAB.

Goi [ la trong tdm tam giac déu SAB, khi @6 I 1a tim mat cau nodi tiép hinh noén ciing 1a tdm
mit cau ngoai tiép hinh nén.

2 V3_3

Bén kinh mat cAu ngoai tiép hinh nén 1a R = SI = ESO = %7 3

3

6

ST

W | =

Ban kinh mit ciu ndi tiép hinhnén la » =10 = %SO =

Thé tich mat cdu ngoai tiép hinh nén 1a V, = gﬂ'R3 = #7[.
Thé tich mit cAu noi tiép hinh nén 1a ¥, = gﬂr3 = gﬂ' )
n
ay — =38.
Vay v,

Cau 15: (THPT Chuyén Thai Binh-lan 2 nam hoc 2017-2018) Cho hinh thang can ABCD; AB// CD;
AB=2; CD =4.Khi quay hinh thang quanh truc CD thu dugc mot khdi tron xoay c6 thé tich
bang 67 . Dién tich hinh thang ABCD béng:

A.g. B.g. C. 6. D. 3.
2 4
Lo gidi
Chon A
D
A 7 E
K F




Goi I, K Ian lvot 13 hinh chi@u vudng géc clia A, B trén dady I6n CD va E, F 13 hai diém d6i xirng
véi A, B quatruc CD.

Khi d6 khoi tron xoay thu dwoc gdm: mat khdi tru ban kinh A7, duwdng sinh AB va hai khéi nén bing
nhau cé ban kinh ddy A7 va chiéu cao DI .

Tacod DI=%AB=1.

Thé tich kh&i tron xoay tao duoc la: V = 7AI*. AB + 2%7{AIZ.AI =6 < Al = % .

Vay dién tich hinh thang ABCD bang: %(AB +CD) Al =

N | o

Cau 16: (THPT Chuyén Thai Binh-lan 2 nim hoc 2017-2018) Cho hinh chép S.ABC c¢6 ddy ABC la
tam gidc cin tai A4, mat bén (SBC) vudng goéc voi mat phang (ABC) va

SA=SB=AB=AC=a; SC= a2 . Dién tich mit cau ngoai tiép hinh chép S.4BC bang:
A. 2ra’. B. 7a’. C. 8za’. D. 4rza*.
Loi giai

Chon D

bat BC=x (x>0).
Ké SH L BC, (H € BC) = SH 1 (ABC).

Ma S4=SB—= HA=HB.
Goi E la trung diém 4B .

2 2
Tacé ABHE ddng dang ABAD , suyra 2 = BE _ pyy BABE & _ oy @
BA BD BD X X
4
Trong tam giac vuong SBH c¢6: SH* =SB* — HB* = a’ _a_z.
X

4 2)?
Trong tam giac vuéng SHC c6: SC* =SH* + HC* = 2a* =a’ —a—2+(x—a—j =x=a3.
x x

Do SB=a;SC =aJ2;BC =a\3 = ASBC vudng tai S.



AD 1 BC
Mit khac = AD 1 (SBC).
AD 1 SH

Suy ra AD 1a tryc duong tron ngoai tiép tam giac SBC.
Goi 7 1a tim dudng tron ngoai tiép tam gidc ABC, suyra [A=IB=I1C=1S.Do d6 I 1a tim
mit cAu ngoai tiép hinh chép S.4BC .

a3

2

2
Tacod AD = |a’ —[ j =%, Suy 1a S, 0 :%AD.BC:
ABBC.AC _aaa\3 .
48 yipc az\/g
Vay dién tich mit cdu la: S, =47.I4> =4rna*.

Cach khac

Suyra /4=

I
Do AS = AB=AC nén A thudc truc dudng tron ngoai tiép tam gidc SBC .
Do (ABC) L(SBC) nénha AH 1 BC thi AH 1 (SBC).
Vay AH 1a truc dudng tron ngoai tiép day (SBC ), nén H 1 tim dudng tron ngoai tiép tam
giac SBC.
Suy ra H 1a trung diém BC va ASBC vudng tai S, suy ra BC = a3 va AH :%.
K¢é trung tryc MI cua doan AB thi I chinh 13 tim mit ciu ngoai tiép SABC va ban kinh cia
AB’

=a
24H

Vay dién tich mit cdu la: S, =47.I4> =4za*.

n6 bang R =

Cau 17: (THPT Chuyén DHSP-Ha Noi-Iin 1 nim 2017-2018) Can d&o thanh gd hinh hop cé day la
hinh vudng thanh hinh tru ¢é cung chiéu cao. Ti 1¢ thé tich gd can phai d&o di it nhat (tinh gan
dung) la
A. 30%. B. 50%. C. 21%. D. 11%.

Chon C



I |

|| h

I |

I ,—.-L-—_—\— —
g I ~

R _1 N

\ o

/ ~_ ’//

a

Pé gb bi d&o it nhat thi hinh hop d6 phai 1a hinh hop dimg.
Goi A la chiéu cao cua hinh hop chitr nhat va R 1a ban kinh day cua hinh try.
Do hinh hop chit nhat va hinh tru c6 cung chiéu cao nén thé tich gd d&o di it nhat khi va chi khi

dién tich d4y ctia hinh try 16n nhét (thé tich khdi tru 16n nhét). Suy ra R = % .

Goi ¥, va ¥, lan lugt 1a thé tich cta khéi hop va thé tich ctia khdi tru c6 ddy 16n nhat.

2
Taco: V,=a’.h va 'V, =R h=n.21 .

2

a
w.—.h
Suy ra: % = +h = % ~78,54% . Vay thé tich gd it nhit can d&o di 1a khoang 21,46%.
1 a.

Céu 18: (THPT Yén Lac-Vinh Phtic-Iin 3 niam 2017-2018) Cho hinh chép S.ABC ¢6 S4, SB, SC ddi
mot vudng goc; SA=a, SB=2a, SC=3a.Goi M, N, P, Q lan luot la trong tam cac tam
gidc ABC, SAB, SBC, SCA. Tinh thé tich khdi tir dién MNPQ theo a.

3 3 3 3
A 2L B. L. 24 D. <.
9 9 27 27
Loi giai
Chon D

Goi E, F, K lan luot la trung diém SB, BC, CS.



1
Tacod: V pe = g.SA.SB.SC =a.

Goi h la chiéu cao tir dinh P cia MNPQ thi h =%SA.

it kha 2 2 4 41
Mat khac do MN:EEF; MQ ZEFK = SMNQ =§SEFK zg‘ZSsBc :§Ss3c.
1 11 1 V. a
Ve :g_h_SMNQ =§.§SA _ Vs.Bc _

9T a7 T o7

Cau 19: (THPT Yén Lac-Vinh Phitic-1an 3 nam 2017-2018) Cho hinh tru ¢6 hai day 1a cac hinh tron

Cau 20:

(0), (O') ban kinh bang a, chiéu cao hinh tru gép hai lan ban kinh ddy. Cac diém 4, B

twong Ung ndm trén hai duong tron (0), (O') sao cho AB = a~/6. Tinh thé tich khéi tr dién
ABOOQ' theo a.

3 3 3 3
A.a?' B.a\/g C.Za 24°5

A D. .
3 3 3

Chon A

Tacod 00 =2a, AB=~AB* — 44" =\6a* —4a* = a2 .
Do d6 A'B> =0'B* +0'4"” =2a” nén tam giac O'A'B vudng can tai O’ hay
0'A1L0OB=0410B.

3
Khi d6 V., = %OA.O'B.d (04,0'B).s5in(04,0'B) = éa.a.2a. 5in90° = %

HET (THTT SO 4-487 thang 1 nam 2017-2018) Cho hinh chép S.ABC c6
SA L (ABC), SA=2a . Biét tam gidc ABC cantai A c6 BC =2av2, cos ACB = % tinh dién tich

mét cau ngoai ti€p hinh chép S.ABC.

2 2
A.S=6SZ" . B. S =1374>. g.S=97Za . D. S=4rd’.

Loi giai
Chon C



Goi M, N lanlwot la trung diém BC va SA; O 13 tdm duwdng tron ngoai ti€p tam giac ABC .
Do ABC céntai A nén O e AM .

Qua O dung A 13 truc dudng tron ngoai tiép tam gidc ABC (A // SA).

Trong (SAM ), ké dudng thing qua N vudng goc v6i SA cit A tai 7. Khi d6

IS =I4=1IB=1IC nén I 1atim mit cdu ngoai tiép hinh chép S.4BC

AAMC ¢6 cosACM—M—C = AB=AC =3av2.
S e = ;CA CB.sin ACB =—3af 2a/2. / —4a2\/_
Ma s, =ABACBC L h4-2,

404 4

Tt gidc NAOI 14 hinh chit nhat nén A7 =/ NA> + 4O° = @ .
V974
T

Suy ra ban kinh mit cau R =

2
Vay dién tich mat cdu 1 S = 47R? = 2/ %9

Cau 21: (SGD Bic Ninh nam 2017-2018) Mot cai phéu c6 dang hinh nén, chiéu cao cua phéu la 20 cm.
Ngudi ta @6 mot lugng nuoc vao phéu sao cho chiéu cao cta ¢t nude trong phéu bang 10 cm
(Hinh 1). Néu bit kin miéng phéu va lat ngugc phéu lén (Hinh 2) thi chiéu cao cta cot nude
trong phéu gan bang gia tri nao sau day.

Hinh H1 Hinh H2

AT, B. 1. C. (20—10%5). D(zoéﬁ—lo).

Loi giai



Chon C

Hinh HI Hinh H2
Xét truong hop 1 lac nude duoe d6 vao phéu:

Goi Vp la thé tich cua phéu ta co ¥, = %ﬂl"jh ,

: R . 1
Goi Vn 1a the tich cia nudc ta cod V, = Eﬂrfhn

Xét ti s6
l7zr2h ’ 3
ﬂ_?, n n_]/'nzhn_(h_nJ _(lj _l
v, 1ok, \h ) \2) 8
3 p P

Xét truong hop 2 lic 1at nguoc phéu:
Goi chiéu cao tir dinh chop dén phan dién tich mit nude phia trén ctia chop 13 x.

Goi Vp 14 thé tich cua phéu ta c6 V,= %ﬁr;hp

. \ A s 5 A X 7 1
Goi Vr la thé tich cua phanrong tacod V, = gﬂrrzhr

V Snh r’h h ’ 200-xY 7
Xét ti s —~ :f :%:(_r] :( j =— :>x:(20—103/7).
v, *m’,,zh,, rphp h 20 8

b4

Cau 22: (SGD Bic Ninh nam 2017-2018) Cho hinh chép S.ABC c6 day la tam giac vudng tai 4,
AB=a, AC=2a. Mitbén (S4B), (SCA) lan lugt 1a cac tam gidc vudng tai B, C. Biét the
tich khéi chop S.4BC bang %f . Ban kinh mit cau ngoai tiép hinh chép S.4BC?

A. R=a\2. B.R=a. C.R=2. D. R
2 2
Loi giai
Chon C



Goi H 1a hinh chiéu ctia S trén mit phing (ABC )thi SH 1a dudng cao cua hinh chop.
Mit khac thé tich khdi chép S.4ABC bang %f nén ta co %AB.SH = %f < SH =2a.

Dé théy nam diém 4, B, H, C, S cung thudc mat cau ngoai tiép hinh choép S.4BC.
Mait khac 4, B, H, C cung thudc mot mat phéng nén ti giac ABHC noi tiép duong tron.

Méjﬂ\C:90°:>B/H\C:90°:>HM=BTC=$:>SM= HM2+SH2=“—‘E.
Ap dung cong thirc dudng trung tuyén ta co:
2 2 2 2 2 2 2
s JSBEASCC_BCT_ SBE+SCT_ o\ BCT 13|
2 4 2 4 2
2 2 2 2 2
R 2 CATSC S g ST o
2 4 2
2 2 2 2 2
g g BB SE e @SB L. o
2 4
2 2 2 2 2 2 2 2 2
Ti(1), (2), (3) ta c6 4R> =458 a7 +5C_Sa” SB +5C _Sa’ 1da’
2 2 2 2 2 2
:>R:3—a.
2

Cau 23: (SGD Bic Ninh nam 2017-2018) Mdt céi truc ldn son nude co dang mot hinh tru. Pudng kinh
ctia duong tron ddy 1a 6 cm, chiéu dai ldn 1a 25 cm (nhu hinh dué6i day). Sau khi ldn tron 10
vong thi tryuc 1an tao nén birc tudng phing mot dién tich 1a:

25 em

A. 15007 (cm®). B. 1507 (cm’). C. 30007 (em®).  D. 3007 (cm’).
Loi giai

Chon A

Dién tich xung quanh cta hinh tryla S, =27Rh=7.6.25=1507 .



Khi ldn son quay mot vong s& quét duge mot dién tich bang dién tich xung quanh cta hinh try.

Do d6 tryc ldn quay 10 vong s€ quét duge dién tich 1a §=10.5, =15007 (sz) .

Ciu 24: (THPT Chuyén Ha Long-Quang Ninh-lan 1 nam 2017-2018) Mot hop dung phén hinh hop
chir nhat c¢6 chiéu dai 30cm, chidu rong Sem va chidu cao 6¢m . Nguoi ta xép thang ding vao
d6 cac vién phan giong nhau, mdi vién phan 1a mot mot khdi tru c6 chidu cao /= 6¢m va ban

kinh day » = Ecm . Hoi c6 theé xép dugc toi da bao nhiéu vién phan?
A. 150 vién. B. 153 vién. C. 151 vién. D. 154 vién.
Huéng dan giai

Chon B

Vi néu xép toan bo cac hang 5 vién thi chi xép duwoc 30 hang nén sb vién phan xép dugc 1a
5.30 =150 (vién).

Con néu xép toan bd cac hang 4 vién thi ciing chi xép duoc 30 hang nén sb vién phan xép
duoc 1a 4.30 =120 (vién).

Do d6 dé xép dugc nhiéu nhat ta xép t6i da cac vién phin vao mot canh chiéu rong ctia hop thi
dugc 5 vién, dé xép nhiéu nhat c6 thé thi hang tiép theo ta xép xen k& 4 vién, 16i lai xen k&
hang tiép theo 5 vién nhu trén hinh v& ( xét goc nhin tir phia trén hop xudng).

Khi d6 ta co: AB =+ BD* — AD* =+/2* —1=+/3 nén HK :AB+AH—BK:\/§+%—%:\/§.
Ta qui wéc xép hang 5 vién va hang 4 vién lién tiép tir dau 1a mot cap.
Do d6 ta xép 16 cdp trudce thi dién tich khoang tréng con lai sau khi xép 16 cap nay la:
30-16./3 % 2,287.
Vi KI =OK +0I = HE +O0I =+/3 +% ~ 2,23 < 2,287 nén khoang trong con lai sau khi xép 16
cap vira da xép cap 17.
Viay s6 phan nhiéu nhét 1a 17.9 =153 (vién).

CAu 25: (THPT Chuyén Lé Quy Dén-Da Nang nam 2017-2018) Cho hinh chép S.4BC c6 day ABC
1a tam gidc vudng can tai dinh B . Biét AB = BC = a3 , SAB = SCB =90° va khoang cach tur
A dén mit phang (SBC) bang a~/2 . Tinh dién tich mit cAu ngoai tiép hinh chop S.4BC.



A. 167a*. B. 1274a°. C. 87a’. D. 27a’.
Loi giai

Chon B

Taco SAB = SCB =90° hay A, C nhin SB dudi mdt goc vudng.
Suyra S, 4, B, C cung ndi tiép mit cAu duong kinh SB .

Goi D la hinh chiéucla S trén (ABCD).

AB 1 S4 BC 1L SC
6 = AB 1 AD va = BCL(CD.
D BC L SD

Tam gidc ABC vudng cantai B suyra ABCD la hinh vuéng.

Trong ASCH ,ké¢ DH L SC (H € SC).

Tacé BC L SD va BC L SC nén BC L DH .Suyra DH L(SBC) hay d(D,(SBC))=DH .

Taco AD//(SBC) suyra d(A,(SBC))=d(D,(SBC))=DH =a2 .
L1

DH’ DC* SD?

SB=~SC* + BC* =\94* +3a* =2a+/3 .

— SD =aJ6; SC=SD* +CD?* =\J64> +3d> =3a:

Khi d6 ban kinh mit cAu ngoai tiép hinh chép S.4BC 1a: R = STB =a\3.

Vay dién tich mit cau bang S =47R* =127a° .
Cau 26: (THPT Chuyén Lé Quy Don-Da Nang nam 2017-2018) Dé lam mot chiéc cbc bang thiy tinh
dang hinh try voi day cbc day 1,5 cm, thanh xung quanh cbc day 0,2 cm va c6 thé tich that

(thé tich n6 dung dugc) 1a 4807 cm® thi ngudi ta can it nhat bao nhiéu cm® thiy tinh ?



A. 75,667 cm’. B. 80,167 cm’. C. 85,667 cm’. D. 70,167 cm’.
Loi giai
Chon A
Goi ban kinh va chiéu cao hinh tru bén trong lanluot1a » va h.
Tacéo: V, =zr’h :h:Lzzﬂéo.
nr r

2

Thé tich hinh tru bén ngoai la: V, = 7z(r+0,2)2 .(h+1,5) = 7r(r+0,2)2 .(480 +1,5).
r

Thé tich thiy tinh 1a: ¥ = 7 (r+0,2)’ .(4—210+ 1, sj —4807.
r

Xét f(r)=n(r+0,2) .(ﬂf)ﬂ,sj, r>0.
r

Khi d6 f,(’”):2”(“'0,2)(&;0“,5)+7r(r+0,2)2.(_96())
r

3
r
£(r)=0 @2(4820+1,5j:(r+0,2).9630<:>3=¥ Y
r r r
r 0 4 +00
f’(r) — 0 +
f(r) +00 +00

27783

Viy thé tich thuy tinh ngudi ta can it nhét 1a 7—480r = 75,667 (cm3) .

Céu 27: (THPT Chuyén Phan Bi Chau-Nghé An- Ian 1 nim 2017-2018) Cho mit cau (S) tam O,
ban kinh bdng 2 va mit phing (P). Khodng cach tir O dén (P) bang 4. Tir diém M thay
doi trén (P) ké cac tiép tuyén MA, MB, MC t6i (S) véi 4, B, C 1a céc tiép diém. Biét mit
phang (ABC) luén di qua mot diém 7 cb dinh. Tinh d¢ dai OF .

A. 43, B.ﬁ. C.

2

N |~
=
—_

Loi giai
Chon D



M

Goi K 1a giao ctia mit phang (4BC) va OM .

Goi H 1a hinh chiéu cua O trén (P). Trong mit phing (OMH ) ké KI 1. OM (I € OH) tai
K.

Ta co (ABC) 1a mat phang qua K va vudng goc voi OM nén KI (ABC).

2
Tacoé OT? :OK.OM:OI.OH:OI:gz =1,

Mit khéc 7 thudc doan thing OH nén I cb dinh.

CAu 28: (THPT Chuyén Phan B6i Chau-Nghé An- Ian 1 nam 2017-2018) Cho hinh thang 4ABCD
vudng tai A va D, AD=CD=a, AB=2a. Quay hinh thang ABCD quanh dudng thing
CD . Thé tich khéi tron xoay thu dugc 1a:

S5za’ Tra’ Ara’
a — - B.3. C.3. D. za
Loi giai
Chon A
‘\\\ i /{,H’
\\ 1,
C:,'f’ 2a
al
P =
i pD---9___34

Goi (T) 1a khoi try c6 duong cao 1a 2a, ban kinh dudng tron ddy 1a a va (N) 1a khéi non cé
duong cao l1a a, ban kinh duong tron day 1a a.

Ta co:

Thé tich khoi try (T) 1a: V; = 7.a” 2a =27.a’ .

3
n.a

3

Thé tich khdi nén (N) 1a: V, :%ﬁ.az.a =

n.a B S5ra’

Thé tich khéi tron xoay thu duoc 1a: V =V, -V, =27.a° — 3



Cau 29: (THPT Chuyén Quéc Hoc-Hué nam 2017-2018) Cho ling tru ding c6 chiéu cao bang A
khong ddi, mot day 1a tu giac ABCD voi1 A,B, C, D di dong. Goi [ 1a giao cua hai duong
chéo AC va BD cua tir giac d6. Cho biét [4./C = IB.ID = h*. Tinh gi4 tri nho nhat ban kinh
madt cau ngoai tiep hinh lang tru da cho.

m3

B.&. C.h. D. —.
- 2 2

A. 2h.

Chon B

N
1

\
VN
/N
N\ N
Y \
\

’
2SN R

NRo——mmmm e ==
iy 7N
W~ 7’ N
1

I

IR

1

1

1

1

Ok LT T,

<o)

Do lang tru ndi tiép mat cau nén goi (K;r) la duong tron ngoai tiép ABCD. Khi d6

IAIC =IB.ID=7r"—IK*(theo  phuong tich cta  duong  tron). Suy ra
P o IK = =t =i IK

Goi (O,R) 1a mat cau ngoai tiép lang tru ta co
2
R*=04"+0K* =r" +%=%h2 +1IK? z%fﬁ = Rz#. Vay R, :# khi 7/ la tdm

duong tron ngoai tiép ABCD .
Cau 30: (THPT Chuyén Vinh Phiic - I4n 3 nim 2017-2018) Céan phai thiét ké cac thung dang hinh tru
c6 nap day dé dung nudc sach c6 dung tich V (cm3) . Hoi ban kinh R(cm) ctia day hinh tru

nhan gia tri ndo sau day dé tiét kiém vat liéu nhat?

A R=2L B.R:i/z. c.r=i . D. R=3 .
27 T A 27

Loi giai
Chon D
Pé tiét kiém vat liéu nhat thi dién tich toan phﬁn cua thung phai it nhat.
Taco V=nRh <h= V2 .
TR
L R S . > V 22V 2
Dién tich toan phan cua hinh try 18 S, =27Rh+27R" =27R. e +27R° = 3 +27R
= K+K+ 27R* > 327V .
R R
A 3 2 . V 2 V
Vay (S,) =332z0° khi —=27R* < R=3—.
P/ min R 272-



Cau 31: (THPT Chuyén Vinh Phiic - Ian 3 nim 2017-2018) V&i mét dia phang hinh tron bang thép ban
kinh R, phai lam mot cai phéu bang cach cit di mot hinh quat cta dia nay va gip phan con lai
thanh mét hinh nén. Goi do dai cung tron cia hinh quat con lai la x . Tim x dé thé tich khéi
non tao thanh nhan gia tri 16n nhat.

27[R\/g 27[R\/§ 27[R\/§ ﬂR\/g

B. x= C. x= .

A. x= . . . . D. x=
- 3 3 3 3

Loi giai
Chon A

I
'S

Chu vi duong tron dia la: C =27R.
Chu vi duong tron day cta hinh nén la: C'=x

Ban kinh duong tron day hinh nén la: » = X

Chiéu cao cua hinhnén 1a: h=vR>—7* =,|R* —

1

Thé tich khdi non 1a: V —% arth =

3

1 , x> 1 X 472 1 T > 1 X
=V '=—x,|R - ——7 = XN4r"R™ —x" — .
6 4z’ 3 4n° \/RZ— X2 127° 247% 42 R? — X

87°R?
3

5 X <:>2(47[2R2 —xz)zx2 &X' =

T 47

_2zRJ6

3

Cau 32: (THPT Chuyén Vinh Phiic - Idn 3 nam 2017-2018) Cho hinh chép S.4BCc6 ddy ABC 1a tam
gidc vudng cantai B, AB=BC = a3 , SAB =SCB =90° va khoang cach tir 4 dén mat phang
(SBC) bang a~/2 . Tinh dién tich mat cu ngoai tiép hinh chop S.4BC theo a.

A. S=4ra*. B. S =87a’. C. S=12rxa*. D. S=16za’.
Loi gidi
Chon C



Goi H 1a hinh chiéu cua S trén mit phéng ABC.Khid6 5 diém 4, B, C, H, S cung
thudc mit cau tam 7 la trung diém cua SB.
Do 4, B, C, H cung thudc mot mat phéng nén ABHC la tir gidc ndi tiép. Theo gia thiét
ABC la tam giac vuodng can tai B nén ABHC la hinh vuong = d(A,(SBC)) = d(H,(SBC)).
Trong mgt phing (SHC) ké HM L SC, (M € SC) khi d6 d(H,(SBC))=HM =av/2.
Xét tam giac vuong SHC ta co
2 2

Lo L U e o M (e st = s
HM"= HC- SH HM"-HC
Xét tam gidc vudng SHB tacd SB* =SH* + HB* =64’ +6a’ =12a> = SB = 2a/3 .

Do / la trung diém ciia SB nén [H = %SB =a\3

N , 2 .
Céu 33: Dién tich mat cu ngoai tiép tér dién 1a S =47(av3) =127a’ (THPT Chuyén Vinh Phiic-lan

3 MD 234 nam hoc 2017-2018) M6t miéng t6n hinh chit nhat c¢6 chiéu dai 10,2 dm , chiéu rong
27dm dugc udn lai thanh mit xung quanh cia mot chiéc thiung dung nuéc cé chiéu cao
27zdm (nhu hinh v&). Biét rang chd ghép mat 2cm . Héi thung dung dugc bao nhiéu lit nudc?

N
N
277dm 277dm
_—
]
A. 50 lit. B. 100 lit. C. 20,4 lit. D. 20 lit.

Hwéng din giai
Chon A
Vi chd ghép mét 2cm nén chu vi ddy chiéc thung 14 10,2-0,2 =10(dm).

Goi r(dm) 1a ban kinh déy, ta c6 27r =10 < r= i(dm) )
T

2
Thé tich chiéc thung: V = zr*h = ;z(ij 27 =50(dm’).
T
Vay thung dung dugc 50 lit nudc.
Cau 34: (THPT Hoai An-Hai Phong nam 2017-2018) Trong tat ca cac hinh chop tir gidc déu noi tiép
mit cAu c6 ban kinh bang 9, tinh thé tich ¥ cta khdi chép c6 thé tich 16n nhat.
A,V =144. B. V =5762. C. V =576. D. V =1446 .

Loi giai



Chon C

Goi I 1a tam mat cAu va S.ABCD 1a hinh chop noi tiép mat cau.
Goi x 1a d6 dai canh SO.
Goi M 1a trung diém cua SD.

Ta co SI.SO=SM.SD=%SD2 = SD* =2S81.50 =18x.

Suyra OD* =18x—x".

Thé tich khéi chép S.ABCD bing V = %SO.SABCD = %x.z.oz)2 = %x(le—xz) = %f (18-x).

Ta co x2(18—x)= 4=,

3
.(18—x)s4(§j 864,

0| &

X
2
Viy thé tich ctia khdi chop can tim 1a ¥ =576.

Cau 35: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho hinh chép S.ABCD ¢6 ddy ABCD la
hinh vudng canh «, tam gidc S4B déu va nam trong mit phang vudéng goc voi day. Tinh thé
tich khdi cau ngoai tiép khdi chop SABCD .

A. 7—@7m3. B. 7—@7m3. C. 7—@7m3. D. 49V21 wa’.
54 162 216
Loi gii
Chon A

Goi H 1a trung diém cta AB, suy ra AH L (ABCD).
Goi G 1a trong tdm tam gidc ASAB va O la tam hinh vuéng ABCD.



T G ké GI // HO suy ra GI 1a tryc duong tron ngoai tiép tam giac ASAB va tir O ké
OI // SH thi OI 1a truc duong tron ngoai tiép hinh vuéng ABCD .

Ta c6 hai dudng nay ctng nam trong mit phing va cét nhau tai 7 .

Suy ra / la tim mat cau ngoai tiép hinh chop S.4BCD .

R=SI=sG*+GI* =2 621 .

Suy ra thé tich khdi cau ngoai tiép khdi chép SABCD 1a V = gﬂ'R3 = 75—\/?71613.

HET
Cau 36: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Mot hinh thang can ABCD c6 day nho
AB=1, day 1én CD=3, canh bén BC = AD=+/2 . Cho hinh thang ABCD quay quanh AB ta
dugc khoi tron xoay c6 thé tich la:

A.V =31, B.Vzgﬁ. g.V:;ﬂ. D.V=2x.
Loi gii
Chon C
E A B F
D

c
Goi E, F 1a hai diém sao cho CDEF 14 hinh chit nhatva E, 4, B, F thang hang.
Taco EA= AB=BF =1, AD=BC=+/2, CD=3, DE=CF =1.

Goi V' 1a thé tich can tim, v 1a thé tich khéi tru c6 duge khi cho hinh chir nhat CDEF quay
quanh EF, V, la thé tich ctia khdi non co dugce khi cho tam gidc AED quay quanh AE, v, la
thé tich cua khdi non co duoc khi cho tam gidc BFC quay quanh BF .
V=V-V,-V,= #DE*CD -~ 2DE* AE-Lrcr? BF =3n-17 LT 4.
3 3 33 3

Cau 37: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Cho hinh chop S.4BC c6 day 1a tam giac
ABC vuong tai B, AB=3, BC =4. Hai mit phang (SAB) , (SAC) cung vudng goc voi mat
phang day, duong thang SC hop véi mit phang day mot goc 45°. Thé tich mit cdu ngoai tiép
hinh chop S.4BC la:

A.V:S”;/E. B.V=257;\/§. C.Vzlzsz\/g. Q.V:us;h/z.

Loi giai

Chon D



]
Hai mat phang (SAB) , (SA C ) cling vudng goc véi mit phang ddy nén S4 L (ABC ) .

. . |BC L AB
Ta cling co = BCLSB.
BC 154

Suy ra SAC va SBC la hai tam giac vudng tai 4 va B.
o o (1A=1C=1IS A s
Goi [ latrung di€m cua SC thi = [A=IB=IC=1IS = [ latim mit cau
IB=IC=1IS

(S ) ngoai tiép hinh chop S.4BC.
Vi §4 1 (4BC) nén (SC, (ABC))=SCA = 45°.

Ta lan luot tinh dwoc: AC =+ AB>+BC*> =5; SA=AC=5; SC=ACJ2 =52 .

Suy ra ban kinh mit cau () 1a R:%:%_

4 (5\5}3 12572

Vay thé tich khéi cau (S) 1a V = 37 3

Cau 38: (THPT Phan Pang Luru-Hué-Iin 1 nam 2017-2018) Trong tat ca cic hinh chép tir gidc déu ndi
tiép hinh ciu c6 ban kinh bang 9. Tinh thé tich ¥ ciia khdi chop co thé tich 16n nhat.

A. 57642 B. 576. C. 14442 . D. 144.

Loi giai

Chon B

Goi () 1a mit cau c6 tim / va ban kinh R =9.



Xét hinh chop tor giac déu S.4BCD cb day ABCD la hinh vubéng tam O, canh a,

(0<a£9\/§)
2
Ta ¢6 OA=A—2C - “*2/5 — O =142 — 04> =,/81—%.

2

Mt khéc ta lai c6 SO:SJ+10=9+,/81—“7.
2 o1 , A: 1« \ 1 - a’* 2, 1 5 a’
Thé tich cua khoi chép S.ABCD 1a Vzga 9+ 81—7 =3a +§a 81—7.

Dit > =¢,do 0<a<9/2 nén 0<£<162

Xét ham 5o f(t)=3t+%{9+,/81—é], Vi 0<r<162 ta 6 f(r)=3+ a3,

£>108 12108
f)=0e Bi-L=L ool 1, Volli=0 or=144.
2 12 g1- L1 _
2 r=144
Ta c6 bang bién thién
‘ 0 144 162
/(t) * 0 -

576
7(t) / \

Tl bang bién thién ta c6 V,,,, =576 khi =144 hay a =12.

Cau 39: (THPT Phan Diang Luu-Hué-lin 1 nam 2017-2018) Cho hinh nén (N) c6 duong cao SO=h
va béan kinh ddy bang R, goi M la diém trén doan SO, dit OM =x, 0<x<h. (C) la thiét
dién ciia mit phang (P) vudng goc véi truc SO tai M, véi hinh nén (N). Tim x dé thé tich
khdi non dinh O day 1a (C) 16n nhat,

B 12 A

Al
2

@)
o
W | =

Chon D



Ta c6 BM 1a ban kinh duong tron (C).

Do tam gidc ASBM © ASAO nén 2L M pay ~AOM gy - R(h-x)
AO SO h
Thé tich cua khdi nén dinh O day 1a (C) la:
7T 2
V=l7Z'BM2.0M =l7z M x :lﬂR—(h—x)zx.
3 3 h 30
1A X 1 R2 2 ,
Xét ham so6 f(x)z;ﬂh—z(h—x) x,(0<x<h) taco
Ta co f’(x):lﬂR—Z(h—x)(h—3x); f’(x)zO@lﬂR—z(h—x)(h—%c)@x:ﬁ.
32 3K 3
Lap bang bién thién ta co
0 h h
¥ n
3
f'(x) + 0 —
7R?
f(x) 81

Tir bang bién ta c6 thé tich khdi non dinh O day 1a (C) 16n nhat khi x = g .

Ciu 40: (THPT Quang Xwong 1-Thanh Héa nam 2017-2018) Cho lyc giac déu ABCDEF c6 canh
bang 4. Quay luc giac déu d6 quanh dudng thing AD . Tinh thé tich ¥ cta khdi tron xoay
duoc sinh ra
A.V=16rx. B. V =128x. C.V=32r. D. V=64r.

Loi giai
Chon D



Quay lyc giac déu d6 quanh duong thing AD ta thu duoc hai khdi ndn va mét khéi tru.
Trong do:
O Hinh n6n c6 duong sinh /= AB =4, dudng cao h=0A4 = %(AD —00') =2, ban kinh

r=N—h =23,
Khi d6 thé tich ctia hai khoi non 1 V) = %nrzh =16rx.

O Hinh try c6 dudng cao 4’ = BC =00’ =4, ban kinh r=2+/3 .
Khi d6 thé tich khoi tru 13 V,,, = zr*h' = 487 .
Vay thé tich cua khdi tron xoay tao thanh khi quay luc giac déu d6 quanh AD 1a V = 64r.

Cau 41: (THPT Tran Quéc Tudn nam 2017-2018) Tir mot tAm thép phang hinh chit nhat, nguoi ta
mudn 1am mot chiée thung dung dau hinh try bang cach cit ra hai hinh tron bang nhau va mot
hinh chir nhat (ph?m t6 dam) sau do han kin lai, nhu trong hinh v€ dudi day. Hai hinh tron 1am
hai mit day, hinh chit nhat 1am thanh mét xung quanh cua thung dung dau (vira du). Biét thing
dung dau co thé tich bang 50,24 lit(cac mdi ghép ndi khi go han chiém dién tich khong dang
ké. Liy r =3,14). Tinh dién tich ctia tim thép hinh chit nhat ban dau.

O
@

A. 1,8 (m?). B.2,2 (m’). C. 15 (m?). D. 12 (m’).

Hwéng din giai
Chon C
Pbi: 50,24 =50,24 (dm*)=0,05024 (m’).
Duya vao hinh v& ta thay, ban kinh duong tron day cua thung dung dau 1a R = %h .

3
Thé tich thung dung daula: V = 7R*h < 0,05024 = % =h=0,4 (voi 7=3,14).

Dién tich hinh chit nhat ban dau gap 3 1an dién tich xung quanh cta hinh try.



2 2
Vay S=3.27Rh= 6.3,14.% =6.3,14. 0.4

=1,5072 (mz) .

Ciu 42: (THPT Tt Ky-Hai Duong nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la hinh

thoi canh a, ABC =60". Mit bén SAB i tam gidc déu va ndm trong mit phang vudng goc vai
mit phang day. Tinh dién tich S ciia mit cau ngoai tiép hinh chép S.4BCD .

137a* 5rwa’ 137a* 5ra?

A. S= B. §= C.S= D. S=

12 3 36
Huéng din giai

Chon B

Goi H la trung diém ciia canh AB. Vi ASAB 1a tam gic déu va nam trong mit phang vudng
goc v6i mit phang day nén SH L (ABCD).

Goi 0, G lan lugt 1a tam duong tron ngoai tiép cac tam giac ABC va SAB.

. CH 1 AB
° CH L SH

Tir O ké duong thang A, L (ABC) = A, //SH .

Trong mit phang (A, ;SH) tir G ké duong thing A,//CH va A,NA =1 .

Do A,//CH = A, 1(S4B).

VileA =I4=IB=1IC (1).VileA,=IA=IB=1IS (2).Tu (1), (2) c6 I latdm cua

Tac }:CHL(SAB).

mit cAu ngoai tiép hinh chép S.4BC.

a3 a3

Céc tam giac ABC va SAB déu canh a nén SG - va GI =OH =

2 2
Ban kinh cua mit cau la R = SI =+ SG*+GI* = %+33L6 = a\éﬁ

5ra’

Do d6 dién tich S ctia mit cau ngoai tiép hinh chop S.4BC 1a:S = 47R> =

Céu 43: (THPT Xuan Truong-Nam Dinh nam 2017-2018) Tir mét tAm ton hinh chit nhét kich thuée
50 cm va 240 cm, ngudi ta lam cac thung dung nuéc hinh tru ¢6 chiéu cao bang 50 ¢cm , theo

hai cach sau (xem hinh minh hoa dudi day):

- Cach 1: Go tim t6n ban dau thanh mit xung quanh cua thing.




- Cach 2: Cit tim ton ban dau thanh hai tim bang nhau, rdi gd mdi tim d6 thanh mat xung
quanh cua mét thung.

Ki hiéu V] 1a thé tich cua thung go duoc theo cach 1 va v, 1a tong thé tich cua hai thung go

dugc theo cach 2. Tinh ti sb ;
2
A.Kzl. 3.5:2 C.K:l. D.ﬁ:4
£ £ v, 2 "
Loi giai
Chon B
. \ Y 120
Theo cach 1: Ta thu dugc hinh tru ¢6 chiéu cao #=50, 27R=240 = R=—.
V4
2
Suyra V, = ﬂ(@j .50 em’
s
Theo céach 1: Ta thu dugc hai hinh tru ¢6 chiéu cao #=50, 27R=120 = R = 60 .
V4

2
Suyra V, = 27[(@) 50 cm’.
n

v
Vay L =2.
1y %

2

Ciu 44: (THPT Lwong Vian ChasnhPhus Yén nam 2017-2018) Cho hinh try (7) ¢6 (C) va (C') 1a
hai dudng tron day noi tiép hai mit d6i dién cua mot hinh 1ap phuong. Biét rang, trong tam giac
cong tao bdi duong tron (C) va hinh vudng ngoai tiép cta (C) c6 mot hinh chit nhat kich

thuée ax2a (nhu hinh v& dudi day). Tinh thé tich ¥ ctia khéi tru (7)) theo a.

7 %\
3 3
A, 1007 B. 25074’ c. 2074 D. 10074,

Loi giai
Chon B



C D

— 1 )
Tacod BK =2a, KI =a nén Bl =a\J5 = cos KBI =—— va sin KBl =——

N5 N

Khi @6 cosa\BI =cos(I?B\I—169\O) :cos@.cos45°+sinfB\I.sin45°

_ 12 22 3
52 U525

Ki hiéu 4B =2x thi Ol =x,0B = x/2.

Ta c6 OI* = BO* + BI* —2.BO.BI.cos OBI =2x> +5a* —=2.x32.a/5.23% = 2x* + 54 — 6xa

32
25
x=a
< x?=2x" +5a* —6xa ©x2—6xa+5a2=0<:>{ .
x=5a
Vi x>a nén x=>5a hay r=0[ =5a.

Vay thé tich khéi tru (T') 1a ¥ = z(5a)”.10a = 2507d’.

Cau 45: (THPT Lwong Van ChasnhPhus Yén nam 2017-2018) Cho hinh chép S.ABCD c6 day
ABCD 1a hinh chit nhat, 4B =+/3a, AD =a, ASAB 1a tam gidc déu va nam trong mat phang
vudng goc v6i day. Tinh theo a dién tich S ctia mit cau ngoai tiép hinh chop S.4ABCD .
A. S=5ra’. B. S=107za’. C.S=4ra’. D. S=27a’.
Loi giai
Chon A

Goi H latrung diém 4B = SH 1 AB (vi ASAB déu).
Mat khac (SAB) 1 (ABCD) = SH 1 (ABCD).
Goi O la giao diém cia AC, BD = O la tim dudng tron ngoai tiép hinh chit nhat ABCD .



Cau 46:

Goi G la trong tim ASBC = G 1a tim duong tron ngoai tiép tam giac déu SBC .
Qua O dung dudng thing d//SH = d 1a tryc cua dudng tron (O), qua G dyng duong thang
A//OH = A 1a tryc cua duong tron (H) dNA=1=1I4=IB=IC=ID=1S =1 latam cua

mit cau ngoai tiép chop S.4BCD .

Xét tam giac déu SAB c6 canh 1a a3 = SH = 37‘1 =S5G=a.

Mat khac 1G = oH =42 -2
2 2
2 2
Xét tam giac vuong SIG: IS° = SG* + 1G* = a* +%=5%:>IS= a;/g_

Vay dién tich mat cau ngoai tiép chop S.ABCD 1a: S =4zR* =57a”.

(THPT Hau Loc 2-Thanh Héa nam 2017-2018) Cho hinh nén (N ) c6 ban kinh day
r=20(cm), chiéu cao h = 60(cm) va mot hinh tru (T) noi tiép hinh nén (N) (hinh tru (T) co
mot ddy thudc day hinh nén va mot ddy nam trén mat xung quanh cia hinh nén). Tinh thé tich

V' cta hinh tru (7') c6 dién tich xung quanh 16n nhat?

A. V =30007z(cm’). B. V= @ﬂ(cmﬁ
C. V =36007z(cm’). D. V = 40007 (cn’).

Loi giai

Chon A

Goi d9 dai ban kinh hinh try 1a xcm (0 < x <20), chiéu cao cua hinh tru 13 4'.

WS IKY . SI-II" I'K' h—-h' x 60-n" x
Taco:—=—= = = = S—=—.
KoSI Al ST Al h r 60 20

& 60— K =3x < h' =60—3x.
Dién tich xung quanh cua hinh try la:
S =2mxh = 27x(60-3x) 27 (60x - 3x" ) =27[100-3(x~10)" | <2007,

Dién tich xung quanh ciia hinh try 16n nhat khi x=10.
Khi d6 thé tich khéi tru la: V = zx*.4' = 7.10%30 = 30007 .



CAu 47: (THPT Yén Dinh-Thanh Héa-Iin 1 nim 2017-2018) Cho hinh nén c6 chiu cao /4. Tinh chiéu
cao x cia khdi tru co thé tich 16n nhét noi tiép trong hinh nén theo /.

h h _2h

A.x=§. B. x=—. C. x D. x=

e
B.x=3 Lx=3 =

Huéng din giai

Chon B

Theo dinh 1i Ta-Let ta c6: — 22D (0<x<h).
SO'+x  h r
2
. h—x)r 2
Theé tich hinh try 1a: V=7zr'2x=7z[( 2) :I .xzm; x(h—x)z.
h h
hox h=x . 3
_ _ 3
Xét M (x)=x(h-x) =45 A%y 2 2 _Aan
2 2 3 27
Dau "=" xay ra khi h_x:x<:>x=§.

Cau 48: (THPT Yén Dinh-Thanh Hoéa-lan 1 nam 2017-2018) Cho hinh chop S.ABC c6 day ABC la
tam giac déu canh bang 1, mit bén SAB 1a tam giac can tai S va nam trong mit phing vudng
goc v6i miat phang ddy. Tinh thé tich 7 cia khdi cdu ngoai tiép hinh chép dd cho biét

ASB=120°.
I MELS By - 457 c.v="Z. by - 13787
54 27 3 27

Hwéng din giai
Chon A



J
Goi H latrung diém 4B, do (SAB) L(ABC), tam gidc ABC déu va tam gidc SAB can tai S
nén SH 1 (ABC) va CH 1 (SA4B).
Goi I va J latim dudng tron ngoai tiép cac tam gidc ABC va tam gidc SAB.
Dung dudng thang Ix/SH va Jy//CH thi Ix L(ABC) va Jy L(SAB) nén Ix 1a truc cia
dudng tron ngoai tiép tam giac ABC va Jy la truc dudng tron ngoai tiép tam giac SAB . Khi
d6 IxnJy =0 thi O 1a tAm mat ciu ngoai tiép hinh chop.

Ta cod OJ:[HZQ_R(SAB)ZSJ: 1 SA.SB.AB :QZQ.
6 4. SASB.sin120° NER
3
Vay R=S0 = 1.1 =E nén v =2or =2, Jis :Sﬂ\/ﬁ_
V3 12 6 3 37 6 54

Ciu 49: (THPT Yén Pinh-Thanh Héa-lin 1 nim 2017-2018) Cho hinh cu (S) tdm 7, ban kinh R
khong d6i. Mot hinh tru c¢6 chiéu cao 4 va ban kinh day r thay doi ndi tiép hinh cau. Tinh
chiéu cao 4 theo R sao cho dién tich xung quanh cua hinh try 16n nhat.

A. h=R2. B.h=R. C.hzg. D.h:RT*E.
Huéng din giai
Chon A




2 2
Tac()R2=r2+h—:>r: Rz—h—.
4 4

2
Ma dién tich xung quanh hinh tru la § =27zrh =27xh, /Rz I

Xét ham sb f(h)=§\/4R2—h2 =%‘/h2 (4R*-1’) <R, déu bing xay ra khi va chi khi
h=2R.

HET

Cau 50: (THTT s6 5-488 thang 2 nim 2018) Tinh thé tich ¥ cta khdi chép tir gide déu co chiéu cao 1a
h va ban kinh mit cau noi tiép la r (h >2r > 0) .
2772 2772 2712 27172
Ayt gyt ey MR oyl
3(h+2r) (h+2r) 3(h—2r) 4(h—2r)

Loi giai

Chon C

Goi M va M' lan luot 1a trung diém cac doan AB va CD.

Goi I 14 giao diém ba dudng phan giac trong tam giac ASMM' . Nén I 13 tim duong tron noi
tiép tam giac ASMM'. Mit khac, do S.ABCD 1a hinh chop tir gidc déu nén I 1a tAm mit ciu
ndi tiép hinh choép.

Xét ASMO c6 MI 1a dudng phan giac ta co:

[12 2 _ 2 2
SM_SE_ NH X _h=r i MmOy = = ap = s
MO 10 X r h-2r h-2r

2.2
Vay thé tich cin tim 13 ¥ = ~h4x® =
3 3(h —2r)

Cau 51: (THTT s6 5-488 thang 2 nam 2018) Trong khong gian Oxyz, cho hai duong thang cit nhau

x=2+t x=1-t

A sy=242t, A, :sy=—t (t,t'e]R).Viétphucmgtrinhdu’(‘mgphﬁngiéc ctia goc nhon tao
z=—-1-t z=2¢

boi A, va A,.

ALY B Xl _y_Z c. XY _Z  p i B, Cdéusai
2 3 3 1 1 1 2 -3 3

Loi giai
Chon A

1(1,0;0)=A, NA,.



A, va A, ¢6 VTCP lan luot 1a u, =(1;2;-1) va u, =(-1;-1;2).

U “2

Goi x>+ 2% =a® 1a véc to dbi cua u, :>L7=(1;1;—2).

Ta co: cos ul,u2 :——<O :>(u1,u2) la goc tu.

Khi d6 duong phan giac cta goc nhon tao boi A, va A, ¢6 VICP u =u, +u' =(2;3;-3).

-l _y_z
3 -3

Vay phuong trinh duong phan gidc cua goc nhon tao boi A, va A, co6 dang: T ===

CAu 52: (THTT s6 5-488 thang 2 nam 2018) Cho tam gidc ABC vudng tai 4, AH vudng gbc voi BC
tai H, HB=3,6cm, HC =6,4cm . Quay mién tam gidc ABC quanh dudng thang 4H ta thu

duogc khdi nén c6 thé tich bang bao nhiéu?

A. 205,89cm’. B. 617,66cm’. C. 65,14cm’. D. 65,54cm’.
Loi gidi
Chon A
A
s6em | 64 em
B~ H °C

Tacoé AH® = HB.HC =3,6.6,4=23,04 nén AH =4,8cm.
Quay mién tam giac ABC quanh dudng thang AH ta thu dugc khéi nén cé ban kinh day
r=HC =6,4cm, chiéu cao h = AH =4,8cm.

Thé tich cua khéi non tao thanh 1a ¥ = énﬁh = %.7[.6,42.4,8 ~205,89(cm’).

Cau 53: (THPT Hoang Hoa Tham-Hung Yén-lan 1 nam 2017-2018) Nguwoi ta dat dugc vao trong mot
hinh nén hai khéi ciu cé bén kinh [an luot 1a a va 2a sao cho cac khéi cau déu ti€p xuc véi mat xung
quanh cta hinh ndn, hai kh&i cau tiép xtc véi nhau va khdi cau |1&n tiép xtc v&i ddy cta hinh nén. Bén
kinh day clia hinh nén d3 cho la

A. \/ga. B. 3a. C. 2\/561. D. S?a'

Loi giai
Chon C



B® 7 e

Goi thiét dién qua truc cua hinh noén la tam gidc ABC v6i A4 la dinh cta hinh nén va BC 1a
duong kinh day ctia hinh non c6 tam day 1a 7 .
Goi M va N lan luot la tam cua hai khéi cau c6 ban kinh 2a va a. H va K lan luot la diém
tiép xtic ctia AC v6i hai duong tron tim M va N .
Ta cd: NK la dudng trung binh trong tam giac AMH suy ra N 1a trung diém ctia AM .
AM =2MN =2.3a =6a = Al =8a.
Ta lai c6 hai tam giac vudng AIC va AHM dong dang

c Al 2
suy ra — <:>IC:—8a a =2a+2.

HM  AH J364% — 4
Vay ban kinh hinh nén 1 R =2a+/2 .
Cau 54: (THPT Hoang Hoa Tham-Hung Yén-1an 1 nam 2017-2018) C6 6 hoc sinh va 3 thay gido 4, B,

C . Héi c6 bao nhiéu cach x&p chd 9 ngudi d6 ngdi trén mot hang ngang cé 9 chd sao cho mdi thay
gido ngdi gilra hai hoc sinh.
A. 4320. B. 90. C. 43200. D. 720.
Loi giai
Chon C
Sap 6 hoc sinh thanh mot hang ngang, giita 6 hoc sinh c6 5 khoang tréng, ta chon 3 khoang
tréng va dua 3 gido vién vao dugc cach sip thoa yéu cau bai toan.
Vay tat cd co : 6!.4; = 43200 cach.



Cau 1: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Cho hinh chép S.4BC ¢6 BSC=120°,
CSA = 60° , ASB=90°va SA=SB=SC. Goi 7 12 hinh chiéu vuéng goc ciia S 1én mit phang
(ABC ) . Khang dinh nao sau day diing?

A. I latrung diém AB . B. I la trong tam tam giac ABC'.
C. I latrung diém AC. D. / la trung diém BC.

Loi giai
Chon D

7

B
Goi / 1a hinh chiéu vudng goc ciia S 1én mit phang (ABC )
bat SA=SB=SC=a.
Theo gia thiét ta c6 tam giac SAC déu canh a. Tam gidc SAB vudng can tai S = AB = a2 .
Xét tam giac SBC taco
BC? = SB* + SC* —2SB.SC.cos BSC = a* +a* —2.a.a.c0s120° = a3 .
Do AB*>+ AC* =a* +2a” =3a” = BC* nén tam gidc ABC vudng tai 4.
Ha SI L(ABC). Vi SA=SB=SC = I4=1B=IC ,nén I 1a thm dudng tron ngoai tiép
AABC.
Suy ra [ la trung di€ém BC.

Cau 2: (THPT Lé Quy Don-Ha Noi nam 2017-2018) Ban 4 mudn lam mot chiéc thung hinh try khong
déy tir nguyén liéu 1a manh ton hinh tam giéc déu 4BC c6 canh bang 90 (cm). Ban muén cét
manh ton hinh chit nhdt MNPQ tir manh ton nguyén li¢u (véi M, N thudc canh BC; P, O
tuong tng thudc canh AC va AB) dé tao thanh hinh tru c6 chiéu cao bang MQ . Thé tich 16n

nhat cta chiée thung ma ban A c6 thé 1am duoc la

A
0 P
—
B M N C
A, 21125 (sz)‘ g, 21125 (cm3). C. M(cnf)_ D. M(cm3).
47 27 a &
Léi giai

Chon C



B M I N c
Goi / la trung diém BC. Suyra / 1a trung diém MN . Dit MN = x, (0<x<90).
MO BM 3

Taco: —=— < MQ=-——(90—-x); goi R la ban kinh cua try = R - *
Al BI 2 27
2
Thé tich cta khéi tru 1a: V, =7 X £(90—x) = ﬁ(—f +90x2)
2z ) 2 87

NG

Xét f(x)===(-x"+90x") v6i 0<x<90.

8
=0
f(x)= g( —3x” +180x), f"(x ):o@[xxzm.
13500/3

Khi d6 suy ra max f(x)= f(60)=

x€(0;90) V4

Cau 3: (THPT Lé Quy Don-Quang Tri-lan 1 nam 2017-2018) Ban Hoan c6 mot tdm bia hinh tron nhu
hinh v&, Hoan mudn bién hinh tron d6 thanh mét hinh cai phéu hinh nén. Khi ¢6 Hoan phai cat
bo hinh quat tron AOB roi dan hai ban kinh O4 va OB lai v6i nhau (dién tich chd dan nho
khong dang ké). Goi x 1a goc & tdm hinh quat tron dung 1am phéu. Tim x dé thé tich phéu 16n

nhat?
A Z B. ~. C. p. ~.
4 3 3 2
Loi giai
Chon C
Dua vao hinh v€, d dai cung 4B 16n bﬁng Rx , ban kinh hinh nén r = 2&
T
R*x’
Puong cao ctia hinh nén A=~+R* -7* = ——— =—A4r’-x’
Arx
2.2
Thé tich khdi nén (phéu) ¥ = l7zr h = R R —4r x* (47r2 -x’ )
3 3 “An’ 2rx



(47) _, _2em
27 -7

2 2\/3 2\/3

Dau bang xay ra khi 5= 4’ —x* & x= =57 Viy thé tich phéu 16n nhat khi x = =57

2
Theo Cauchy ta co .%.(47r2 -x’ ) <

2
X
2
X

Cau 4: (THPT Lé Quy Pon-Quing Tri-lin 1 nim 2017-2018) Mot nha may can san xuat cac hdp hinh
tru kin ca hai dau c6 thé tich ¥ cho truéc Mbi quan hé giita ban kinh day R va chiéu cao A
ctia hinh tru dé dién tich toan phén ctia hinh tru nho nhét 1a

A. h=3R. B. R=h. C. h=2R. D. R=2h.
Loi giai
Chon C
V=rRh=h= 5
V4

S, =27R* +27Rh =27R* +27R.

Vz =27 R* +K+K23.,3/27IR2.K.K =332xV?
7R R R R R

7R*h

S,, dat gia tri nho nhat khi 27R* =% & 27R = <2R=h

Ciu 5: (THPT Chuyén Tién Giang-lin 1 nam 2017-2018) Cho tam gidc SOA vudng tai O c6
MN // SO vé6i M, N lan lugt ndm trén canh SA, O4 nhu hinh v& bén du6i. Dt SO=h
khong d6i. Khi quay hinh v& quanh SO thi tao thanh mét hinh try ni tiép hinh nén dinh S ¢6
day 1a hinh tron tim O ban kinh R =04 . Tim d6 dai cia MN theo A dé thé tich khdi tru la

16n nhét.
S
M
10) N A
A. MN:ﬁ. B. MNzﬁ C. MN:ﬁ. D.MNzﬁ
2 3 4 6
Loi giai

Chon B



M
0 N A
bat MN=x,(x>0) va OAza,(a >0), a 1a hang so.
Ta ¢6 MN:N—A:NA:MN'OA xa

0A
Khéi try thu duoc c¢6 ban kinh day bang ON va chiéu cao bing MN .

1 2 ma*(2h ’
2x(h—x) < — .
2h? ( ) 2h° ( 3 ]

—~NA=2 S ON=q-2
h h

2
Thé tich khéi tru1a ¥ = 7.ON*>MN = r.x.d> (h - x] = nd®
A M 5 . h
Dau bang xay ra khi 2x=h—x <:>x=§.

Ciu 6: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c6 day la hinh
thang vuoéng tai 4 va B, AB=BC=a, AD=2a, SA vudng goc voi mit day (ABCD),
SA=a. Goi M, N lan luot la trung diém cua SB, CD. Tinh cosin cla goc gitta MN va

(SAC).
Al B 3 ¢35 p. L.
NG 10 10 J5
Loi giai
Chon B

Chon hé truc Oxyz nhu hinh v€, voi O = 4.
Khi do6 ta co: 4(0;0;0), B(a;0;0), C(a;a;0), D(0;24;0), S(0;0;a).

Khido: m|%:0:2), v 2:.3%0].
) 2’2



Ta co: —lﬂ=(o;o;1)=ﬁ; lﬁ:(l;l;—l):ﬁ.

a a

Goi 7i la véc to phap tuyén ciia mit phang (SAC) ta c6 i =[ii,v]=(-1-10).

Lai co: 3m=(o;3;—1)=w.
a

Goi a 1a goc gitta MN va (SAC) taco: sina = =—— = cosa=——1

Ciu 7: (THPT Phan Dinh Phung-Ha Tinh-lan 1 nam 2017-2018) Mot hop bong ban hinh try c6 ban
kinh R, chita dugc 10 qua bong sao cho cac qua bong tiép xtic voi thanh hop theo mot duong
tron va tiép xtc v6i nhau. Qua trén cung va qua dudi cing tiép xic voi hai ndp hop. Tinh phan
thé tich khoi tru ma thé tich cta cac qua bong ban khong chiém chd.

3 3
A. 0. B, 207k c. R D. 7R’
3 3

Loi giai
Chon B
Taco: h=20R
Suy ra thé tich khéi try ¥, = 20R.R’.x = 207 R’

3
Thé tich 10 qua bong 7, :§R37r.10 _ A0k

3

Thé tich bong khong chiém chd 1a V,=20R’x —?R% = 20? T

Cau 8: (THPT Dtrc THo-Ha Tinh-lan 1 nam 2017-2018) Mot ngudi dung mot cai ca hinh ban cau co
ban kinh 1a 3 cm dé muc nudc d6 vao trong mot thing hinh tru chiéu cao 3cm va ban kinh day
bang 12 cm. Hoi ngudi 4y sau bao nhiéu lan d6 thi nuéc day thung? (Biét mdi lan d6, nudc
trong ca ludn day)

A. 10 lan. B. 20 lan. C. 24 lan. D. 12 lan.
Loi giai
Chon C
Thé tich hinh tru1a § = 7.R>h=7.12°3=432.7 cm’.
1 4 2
3

Thé tich mdi 1an mic 1a S, = 3 R = 5.72'.27 =187 cm’.

S6 1an muic dé day thung nudce 1a n = 4138ﬁ =24 lan.
T

Cau 9: (THPT Chuyén Thai Binh-l4n 4 nim 2017-2018) Mot cai phéu c6 dang hinh non, chiéu cao ctua
phéu 12 20cm . Ngudi ta d6 mot lwong nude vao phéu sao cho chiéu cao ctia cot nude trong
phéu bang 10cm (hinh H1). Néu bit kin miéng phéu rdi 1at ngugc phéu 1én (hinh H2) thi chiéu

cao ctia cot nudc trong phéu gan bang voi gia tri ndo sau day?



[~ ~

o o | I

[l ]

A. 0,87cm. B. 10cm. C.1,07cm. D. 1,35cm.

Chon A

\Y

Trudc khi 1t phéu lén:

Theo bai ra ta ¢é SE =10em, SH = 20cm . ASCD « ASAB = = 5L _ ED
2 SH HB
1ymmc ED2SE 1 7
Suy ra BTV === Vi = <V oneu
Vo HBSH 8 g
Sau khi 14t phéu lén:
ASMN # ASAB = SE - EN
SH HB
2 3 3
DO thi :ZVheu Q(ﬂ) Si:z@[sij ZZQ SFZﬁSH
8 7 HB) SH 8 \SH) 8 2

Vay chiéu cao ctia nudc sau khi 1at phéu 1a

3 3
FH =SH - SF = SH(I—%} = 20.(1—%} ~ 0,8706
Céu 10: (SGD Ha Noi-lan 11 nidm 2017-2018) Cho khéi cau (S) tim 7, ban kinh R khong doi. Mot

khdi try thay d6i c6 chiéu cao /4 va ban kinh dy » noi tiép khdi cau. Tinh chiéu cao A theo R
sao cho thé tich cua khoi tru 16n nhat.



A.h:#. D. h=R2.
Chon A
2
Ta co r2=R2—h—.
4
2., ) L. 2 h2 2 7Z'h3
Thé tich cia khoi tru: V =7x| R 7 hoV=nRh- iR
2R
Ta c6 V’=7zR2—3T”h2, :>V'=0<:>h=T\/§.
Bang bién thién:
h |0 & +00
3
V' + 0 -
Vmax
Viy thé tich khi tru 16n nhét khi h:#.

Cau 11: (THPT Luc Ngan-Bfic Giang-lan 1 nam 2017-2018) Trong khéng gian vé&i hé toa dd Oxyz, cho
A(2;0;0), B(0;2;0), C(O;O;2). Ban kinh mat cau noi tiép ti dien OABC bang

2 4 3 5
A. . B. ——. C. ——. D. ——.
T 3443 3+243 6+23 6+24/3
L& gidi
Chon A

D& thdy O.4BC 1a hinh chép déu, AABC déu canh 24/2.
Do d6 dién tich toan phan cua tr dién OABC la Sy =3S0045 t Sausc =0+ 243.

Ma ¥, = %.OA.OB.OC = g .

Vope 4 2

S, 6423 343

Cau 12: (THTT s6 6-489 thang 3 nim 2018) Trong khong gian vdi hé toa d6 Oxyz , biét mit phing

Ta c6 ban kinh mit cau néi tiép tr dién OABC 1a r =

(P):ax+by+cz+d =0 véi ¢ <0 di qua hai diém A(0;1;0), B(1;0;0) va tao v&i mat phing

( yOz) mot goc 60°. Khi do gia tri a+b+c thudc khodng nao dudi day?



A. (0;3). B. (3;5). C. (5:8). D. (&11).
Léi giai

Chon A

b+d=0

q=0 Suy ra (P) c6 dang ax+ay+cz—a =0 cb vecto phap tuyén
a+d=

Taco: A,Be (P) nén {

1a n :(a;a;c).
Mit phing (y0z) ¢6 vecto phap tuyén la i = (1;0;0).

- ©12L©2a2+02=4a2<:>2a2—c2=0.
MH 2 24+ 1

Chon a =1, taco: ¢’ =2=c=—/2 do ¢<0.

Ta co: a+b+c:a+a+c:1+1—x/§=2—\/§6(0;3).

Ta co: cos60° =

Cau 13: (THTT s6 6-489 thang 3 nim 2018) Mit tién ctia mot ngdi biét thu c6 8 cay cot hinh tru tron,
tat ca déu c6 chidu cao 4,2m . Trong s6 cac cdy d6 c6 hai cay cot trude dai sanh duong kinh
bang 40cm , sau cdy cot con lai phan bo déu hai bén dai sanh va chiing déu c6 dudng kinh bang
26.cm . Chii nha thué nhan cong dé son céc cdy cot bang mot loai son gia d4, biét gia thué 1a
380000 /1m?* (ké ca vat liéu son va thi cong). Hoi ngudi chi phai chi it nhat bao nhiéu tién dé
son hét cac cdy cot nha dé (don vi dong)? (lay 7 =3,14159).

A. ~11.833.000. B. ~12.521.000. C. =10.400.000. D. ~15.642.000.

Loi giai
Chon A
Cot 16n dang hinh tru c6 chiéu cao h=4,2m, day la duong tron c6 ban kinh R, =0,2m nén
mdi cot 16n 6 dién tich xung quanh 1a S, =27R A =1, 687r(m2 ) .
Cot nhd dang hinh tru c6 chiéu cao h=4,2m, day 1a duong tron c6 ban kinh R, =0,13m nén
mdi cot 16n 6 dién tich xung quanh 1a S, =27R,h = %ﬁ(mz )

Dién tich can son cho hai cot 16n va sau cot nho 1a (2.1,68 + 6%} T (m2) .

Vay sb tién can phai bo ra 1a 380 000.(2.1,68 + 6.%) 7 ~11.833.000 (ddng).

Cau 14: (THTT s6 6-489 thang 3 nim 2018) Cho tam gidc ABC vudngtai 4, BC=a, AC=b,
AB =c, b <c.Khi quay tam gidc vuong ABC mdt vong quanh canh BC, quanh canh AC,
quanh canh 4B, ta dugc cac hinh ¢6 dién tich toan phén theo thir tu béng S,,S,,S.. Khéng
dinh nao sau day dung?
A. S, >8.>8,. B.S, >S5, >8 . C.S>8>8,- D. S >8 >8,.

Loi giai

Chon A



Be

Goi H 1a chan duong vudng goc ké tur 4 cua tam giac, dat AH =h
Taco S, =n.BAAH + n.CA.AH = h(c +D)
S, = n.BC.BA+.BA’ = nc(a+c)
S =n.CB.CA+7.CA* = nb(a+b)
Do b <c nén hién nhién S_ < S,.
Do ¢ <a,h<b nénhiénnhién S, < ..
Vay §,<S.<8,.
Chu 15: (THPT Nguyén Trdi-Da Nang-lan 1 nam 2017-2018) Cho hinh nén dinh S, dudng cao SO.
Goi 4 va B la hai diém thudc duong tron ddy ctua hinh nén sao cho khodng cach tr O dén
AB bang a va SAO =30° , SAB = 60°. Dién tich xung quanh ctia hinh nén bang

7Z'a2\/§ 27ra2\/§

A. qu = T B. qu = 3 ) C. qu :272'a2x/§. D. qu :72'622\/5.

Loi giai

Chon D

Tacé OH =a. Dit Od=x thi Od=SA.cos30° = SA = 2.
NE)
— \ 2x X
Do goc SAB = 60° nén tam gidc SAB déu = AB=S4A=— = AH =—.
NG NE)
a6
=

Do AH*+OH? =04 < d(B;(P))<18J2 < x=

_ a6
2

Vay 04

; SA= a2 nén dién tich xung quanhla S = 7. af a2 = a3



Céu 16: (THPT Nguyén Tri-Da Nang-Ian 1 nim 2017-2018) Xét hinh try (7') ndi ti€p mot mat cau
ban kinh R va S la dién tich thiét dién qua truc cua (T ) Tinh dién tich xung quanh cua hinh
tru (T) biét S dat gia tri lon nhét

2 2
A s, =28 B. 5, =& C. S, =27R’. D. S, =7R’.
X 3 xq 3 xq xq

Loi giai

Chon C

Goi x 1a ban kinh cua hinh tru 0 < x < R. Dién tich thiét dién 1a

S=2x23R> x> =4xJR* -x" .
Vi 4xVR* —x° 32.(x2+R2—x2) nén S<2R.Vay S, =2R khi x=+R’ —x @sz—\z/E.

R2 _R\2

Vay dién tich xung quanh cta hinh try la S, = 2%7.27 =27R*.

Ciu 17: (THPT Lé Xoay-Vinh phtic-Iin 1 nam 2017-2018) Mot cbc nude hinh try ¢6 chiéu cao 9cm,
duong kinh 6cm. Mit day phing day lem, thanh cdc day 0,2cm. D6 vao cbe 120 ml nude

sau d6 tha vao coc 5 vién bi c6 duong kinh 2cm . Mat nudc cach mép coc gan nhat véi gia tri

bang

A. 3,67(cm). B. 3,08(cm). C. 2,28(cm). D. 2,62(cm).
Loi gii

Chon C

Thé tich ciia cde nudc 1a ¥ = 7.(2,8)" .8 = 62,727 (cm’ ).

Thé tich cia 5 vién bila ¥, :5%.7[.13 =?.7z(cm3).

Thé tich con lai sau khi d6 vao cbc 120ml nudc va tha vao cbec 5 vién bi la
V2=V—Vl—120=62,727r—?.ﬂ—120z56,10(cm3).

v, _ 5610

~ ~2,28 .
7287 8y (cm)

Chiéu cao phan con lai la 4 =

Cau 18: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Trong khong gian Oxyz, goi I(a;b;c) 1a thm
mit cau di qua diém A(L;-1; 4) va tiép xtic v6i tit ca cac mit phing toa do. Tinh P=a—b+c.
A. P=6. B. P=0. C. P=3. D. P=9.



Loi giai
Chon D
Vi mat cau tim / tiép xuc voi cac mat phéng toa d0 nén
a=b=c
=bh=—
d([,(Oyz)) = d([,(Ozx)) = d([,(Oxy)) o |a| = |b| = |c| & Z . :Z

a=-b=—c
Nhan thay chi c6 truong hop a = —b =¢ thi phuong trinh Al =d (1 ,(Oxy)) ¢6 nghiém, céc
truong hop con lai vo nghiém.
That vay:
Vé6i a=-b=c thi I(a;—a;a)
Al =d(1,(0w)) & (a-1) +(a=1) +(a-4) =d’ ©a*~6a+9=0 <a=3
Khidd P=a—-b+c=9.

Cau 19: (THPT Chuyén Ha Long-Quéang Ninh l4n 2 nam 2017-2018) Cho hinh tru c6 chiéu cao bang

Cau 20:

6+/2 cm . Biét rang mot mat phang khong vudng goc voi day va cit hai mat day theo hai day
cung song song AB, A'B' ma AB = A'B'=6c¢m, dién tich tir giac ABB'A’' bang 60cm?. Tinh

ban kinh déy cua hinh try.

A. 5cm. B. 3v/2cm. C.4cm. D. 5J2cm.
Loi giai

Chon C

-

e

62| |

-
pe

-
-,

Goi O, O' 1atdm céac day hinh tru (hinh vé).

Vi 4B = A'B' nén (ABB'A’) di qua trung diém ctia doan OO’ va ABB'A’ 14 hinh chit nhat.
Tacd Sy = ABAA < 60=6.44" = AA4'=10(cm).

Goi 4,, B, lan luot 14 hinh chiéu cua A4, B trén mat day chia 4’ va B’

= A'B'B 4, 1a hinh chi¥ nhdt c6 A'B'=6(cm),

BB” BB} =\[10° ~(6v2) =27 (cm)

Goi R 1a ban kinh déy cta hinh try, tacé 2R = A'B,=/BB” + A'B” =8 = R= 4(cm).

(PTNK-DHOG TP HCM-lan 1 nam 2017-2018) Cho ling tru dung ABC.A'B'C’' ¢6
AB=AC=BB' =a, BAC =120°. Goi / 1a trung diém cua CC'. Tinh cos cua goc tao boi hai
mit phang (ABC) va (AB'I).



A B, Y2 ALY
2 2 12
Loi giai

=

_
(9'%)
o\g

Chon D
Ciéch 1: Ta c6: A4BC 1a hinh chiéu ciia A4B'I 1én mit phang (ABC).
Do d6: cos((ABC),(AB'I)) _ Sanc )

AB'T

a*\3
4

Tacod: S 0 =%AB.AC.cosA = . BC=a\3

aﬁ+a25+a\/§

Ta co: AB':a\/E; Al = 2

; B = s p=
2 0 F 2

o5 al
2

a\10

4

Sz Z\/p(p—AB')(p—A])(p_B’]) =
a3
Y w

aJio 10

4

Vay cos((ABC), (AB'I)) =

Cich 2 : Goi O 1a trung diém BC.
Ta c6: BC> = AB* + AC* —2A4B.AC cos120° =a* +a* —2a.acos120°=3a*> = BC = a3 .

Tam gidc A0B vudng tai O ¢6: A0 =~/ AB* — BO® = ,/az—%az :%.

z

A’ &
B/ I

o Y

& /
“ C

Chon hé truc O.xyz (nhu hinh v¢).

Taco: 4 g;0;0 , B’ 0;—£a;a , 1 0;—3ar;g .
2 2 2
0



4 2

= [ﬁ,ﬂ] :[—¥a2;—la2;—£azJ = —%az (3\/5;1;2\/5).

Mt phing (4B'T) oo mot VTPT n=(3v3;1,243).

oy |k
cos((ABC),(AB’I)) = ‘cos(k, n)‘ = ‘J’;HZ“ = % )

Cau 21: (PTNK-DHQG TP HCM-I4an 1 nam 2017-2018) Cho hinh chép tir gidc déu S.ABCD c6 thé

NG

tich V' =?. Goi M 1a trung diém canh SD. Néu SB L SD thi khoang cach d tir B dén mat
phing (MAC) bang bao nhiéu?

o 24

Ad=1. . . C.d=22 D.d=
2 2

AW

Loi giai

Chon A

Goi H la tam hinh vuéng ABCD = SH L (ABCD) .
bat AB=a(a>0).

S pep =43 BD=a\2.
Tam gidc SBD vudng tai S nén SH =

1 V2 2

Vs asco ZSSH‘SABCD :?a 2?3 a=1.

1 V2 1ep

VMACD :ZVSAABCD _4 HM =

a2
5

(V1 SB=AB=1).

2 2
1 11

Susc =5 MH.AC=— . 2= £

Ta co: d(B,(MAC))=d(D,(MAC)).



3w
Lai c6: V00 =§.d(D,(MAC)).SMAC = d(D,(MAC)) =12~ % |
MAC

Cau 22: (PTNK-DHQG TP HCM-Ian 1 nam 2017-2018) Hinh nén goi 1a ndi tiép mat cau néu dinh va
duong tron day cua hinh nén nam trén mat cau. Tim chiéu cao / ciia hinh nén c6 thé tich 16n
nhit ndi tiép mit cdu co ban kinh R cho trude.

3R 5R 5R 4R

A h="2 B. h="2". C. h="2, D. —.
2 2 4 3

Loi giai

Chon D

Goi chiéu cao cta hinh nén 13 x, (0 < x <2R).Goi ban kinh day ciia hinh non 1a » ta ¢6
r’=0M*-OH* =R’ ~(x-R) =2Rx—x"=x(2R-x).

Thé tich ctia hinh nén la ¥ = %m’z X = %ﬁxz (2R-x).

3
X x XX oR-x 2
Miit khéc ta lai c6 E.E.(ZR—x) < 3 QT(ZR_X) <—

3
Suyra V =lizx2 (2R-x)< 327R :
3 27

27R’

Vay maxV:3 ,déu“=”xéyrakhi%zZR—x@x:4TR.

Chi y: Ta c6 thé khdo sat ham 7 = %ﬁxz (2R-x)= f(x) trén (0;2R) d¢ tim maxV .
Cau 23: (THPT Chuyén DH Vinh - Ian 1 - nam 2017 — 2018) Nguoi ta tha mot vién billiards snooker ¢6
dang hinh cu voi ban kinh nhé hon 4,5cm vao mét chiée cdc hinh tru dang chira nudce thi

vién billiards do tiep xtc vdi day coc va tiep xuc voi mat nude sau khi dang (tham khao hinh vé
bén).




Biét rang ban kinh ctia phan trong ddy cdc bang 5,4cm va chiéu cao ciia muc nudc ban dau
trong cdc bang 4,5cm . Ban kinh ctia vién billiards d6 bang
A. 2,7cm. B. 4,2cm. C. 3,6cm. D. 2,6cm.
Loi giai
Chon A
Goi r la ban kinh cua vién billiards snooker.

Thé tich vién billiards 1a ¥, = L)

Phan thé tich nudc dang 1én sau khi bo vién billiards vao 1a ¥ = z.(5,4)".(2r - 4,5).

Vi thé tich nuéc dang 1én chinh 1 thé tich cta vién billiards nén ta c6 v, =V

n

0<r<4,5

Ta c6 phuong trinh gﬁﬁ =7T.(5,4)2.(27‘—4,5) o r=27.

Cau 24: (THPT Tay Thuy Anh — Thai Binh — Ian 1 - nam 2017 — 2018) Cho khéi cau tim [, ban
kinh R khong ddi. Mot khdi nén co chidu cao 4 va ban kinh day , noi tiép khéi cau. Tinh
chiéu cao /4 theo ban kinh R sao cho khdi nén co thé tich 16n nht.

A.hzﬁ. B.hzﬁ. C. h=4R. D.hzﬁ.
4 4 - 3
Loi giai
Chon D

Goi H 1a hinh chiéu ciia S 1én mit day ctia non thi SH di qua tdm 7 , khi d6 thé tich khdi non
c6 diém / nam giita S va H s& 16n hon thé tich ciia khinén c6 S va H nam cung phia voi
nhau so véi diém 1 .

TaditDat HI =x; SH=SI+1H = R+x; HA=HB =142 —IH* =R* —x*.

Thé tich khdi nén 1a

1 1 V4 2
v :gﬁHAz.SH =§;z(R2 —x")(R+x) = (2R=2x)(R+x)"
Ap dung bét dang thirc co-si cho 3 s6 duong (2R—2x), (R+x) va (R+x), ta dugc

v =2(2R=2x)(R+x) =Z(2R~2x)(R+x)(R+x)

.7 (2R—2x)+(R+x)+(R+x)T_Z(ﬁj

6 3 6\ 3



Dau bang xay ra khi 2R—2x=R+x<:>x=§.

Dau bang xay ra khi x = § . Chiéu cao khdinén la h=SH = R +§ = 4R .
CAu 25: (THPT Yén Lac — Vinh Phtic - 1an 4 - nam 2017 — 2018) Cho hinh chép S.4BC ¢c6 AB=3.
Hinh chiéu cia S 1én mit phang (ABC ) la diém H thudc mién trong tam gidc ABC sao cho
AHB =120°. Tinh ban kinh R ctia mit cau ngoai tiép hinh chép S.HAB, biét SH = 43 .
A. R=45. B. R=35. C. R=4/15. D. R=23.
Loi giai
Chon C

Goi O 1a tim dudng tron ngoai tiép tam giac AHB va r 1a ban kinh duong tron ngoai tiép tam
giac AHB.
Ap dung dinh li sin trong tam gidc AHB ta co A—E\ =2r =>r= AB;\ =+/3.

sin AHB 2sin AHB
Qua O dyng duong thang d vudng goc véi mat phang (AHB). Goi M la trung diém cua
SH . Trong mit phang SHO dung dudng trung truc ciia doan SH cit d tai I .
Khi d¢6 /1a tim cioa mit ciu ngoai tiép hinh chép S.HAB va c6 ban kinh la

HI =~NOI* + HO* = (2\5)2+(\B)2 =J15.

Cau 26: (THPT Hong Bang — Hai Phong — nam 2017 — 2018) Cét hinh nén béi mét mat phang di
qua truc ta dugc mot tam giac vudng can c6 canh huyén bang a~/2 . Thé tich ctia khéi non bang
3 3 3 3
A T2 g, 7T c. 2. D. ma 2
4 3 12 12
Loi giai

Chon D



S -

& —

A B

a2

Ta c6: ASAB vudng can tai S va AB=ax2 = SO=0B= -

1 a\/E 3_7za3\/§
2 = .

Viy thé tich ctia khdi nén 1a ¥ = %.ﬂ.OBz.SO =3 >

Chu 27: (THPT Hong Bang — Hai Phong — nam 2017 — 2018) Cho hinh chép S.4BC c6 ddy 1a tam
gidc déu canh bang 1, S4 vudng goc véi day, goc gitra mit bén (SBC) va day bang 60°. Dién
tich mat cau ngoai tiép hinh chép S.4BC bang

A dra’ B 43z C 437 D 437
T v e D. -
Loi giai
Chon D
S
N~
X
a7 C
M
B

Goi M 1a trung diém ciia BC thi AM L BC (1). Mit khac 54 L (ABC) nén SA L BC (2).
Tir (1) va (2) suy ra BC L (SAM ). Do d6 goc giita (SBC) va (ABC) 1a goc SMA .

Vay SMA = 60°. Trong tam gidc vudng SAM c6 SA = AM .tan SMA = ?\/7 = %
Goi G 1a trong tdm cta tam giac 4BC.Qua G dung dudng thang song song voi SA, cat mat
phing trung truc ciia doan SA tai / thi 7 13 tAm mit cAu ngoai tiép hinh chép S.ABC.

Ta co IG:lSAzé.
2 4

2
Trong tam giac vudng AIG c6 IA* = IG* + GA® = 3 + .
4 16 3 48

g£j2_9 143

32 -



Vay mit cAu ngoai tiép hinh chop S.ABC c6 dién tich bang 474> = 471% = 413—2”

Cau 28: (THPT Hong Bang — Hai Phong — nam 2017 — 2018) Cho hinh chép tam giac déu S.4BC
c¢6 canh day bang a, goc gitra mit bén va day bang 60°. Dién tich xung quanh ctia hinh nén
dinh S, c6 day 1a hinh tron ngoai tiép tam giac 4BC bang

za*10 za*\3 za*\7 za*\7

A. . B. . C. . D. .
8 3 4 - 6

Chon D

Goi I 1a tam duong tron (ABC) = 4 =r =22

Goi M 1a trung diém cua 4B = AB L (SMC)

2ax/§ _ ax/§

6 3

— Goc giita mat bén va mat day 1a goc SMC =60° = SM =2IM =

2 2
= SA=~SM?+MA* = %+% _4 621 )

b

a3 a\/ﬁ _ﬂ'azxﬁ

Dién tich xung quanh hinh nén S, = 7rl = 7. 3 o S

Cau 29: (SGD Bic Giang — nam 2017 — 2018) Cho hinh chép da gidc déu co cac canh bén bang a va
tao v&i mat day mot goc 30°. Tinh thé tich cua khéi cAu ngoai tiép hinh chop?

dra’ \/3

3
A. 4’;“ . B. 47d’. S D. 4za*\3 .
Loi gidi

Chon A



Ky hiéu hinh chép da gidc déu la S.4,4,...4, va H l1a hinh chiéu ctia S trén (A44,...4,).
Ta co: (SA, (4 Ay, )) = (SA, HA) = SAH =30°.

a3

Xét ASA4H vuongtai H tacod: SH =S54,.sin30°=—, 4 H =S54,.cos30° =

SR

Goi 7 1a tam khdi cau ngoai tiép hinh chép. Ké JE L SA,, ta co6: ASEI «> ASHA,

2
Suy ra: S—EzﬂjSI: SE.S4, :%:
S S4, SH 28H

Thé tich ctia khdi cau ngoai tiép hinh chop: V' = gmf .

Cau 30: (THPT Chuyén Thoai Ngoc Hiu — An Giang - Lin 3 nim 2017 — 2018) Cat hinh nén béi mot

mit phang di qua truc ta dugc mot tam giac vudng can c6 canh huyén bang a2 . Thé tich cta
khdi nén bang

3 3 3 3
A, FON2 g, 7T c. 2% Q.”“‘E.
4 3 12 12
Loi giai
Chon D
A B
Ta co: ASAB vudngcantai S va AB=av2 = SO=0B= "‘f .
3
3
Vay thé tich ctia khéi nén la ¥ = %.ﬂ.OBz.SO = %n[ “f} = ”"lf .

Cau 31: (THPT Chuyén Thoai Ngoc Hiau - An Giang - Lin 3 nam 2017 - 2018) Cho ling tru
ABCD.A'B'C'D' ¢6 diy ABCD 1a hinh chit nhit véi AB=+6, AD=+/3, A'C=3 va mit



phang (A44'C'C) vudng goc v6i mit ddy. Biét hai mit phing (44'C'C), (AA'B'B) tao véi

3 . ‘. .
nhau goc o théa man tana = 2 Thé tich khoi lang tru ABCD.A'B'C'D' bang

AV =8. B.V=12. C.V =10. D.V=6.
Loi giai

Chon A

L
T B ké BI L AC = BI 1 (44'C'C).

Tir 1 ké IH | A4’ = ((44'C'C),(AA'B'B))= BHI .

Theo giai thiét ta c6 AC =3 = BI = Aigc =2.

Xét tam giac vudong BIH c6 tan BHI :ﬂ < IH :B—i\ < IH =ﬂ.
IH tan BHI 3

2.

Xét tam gidc vudong ABC c6 AI.AC = AB*> = Al

Goi M latrung diém ca A4', do tam gidc AA'C cantai C nén CM 1 AA' = CM // IH .
Al AH 2 AH 2 AH 1
0 —=—="S>—=—9S—=—,

AC  AM 3 AM 3 A4" 3
42

Trong tam gidc vudong AHI ké duong cao HK ta c6 HK :T = chiéu cao cua ling try

2
=

ABCD.A'B'C'D' 1a h=3HK ==
a A4 Ar 15 'RIATY 15 4\/5
Vay thé tich khéi lang try ABCD.A'B'C'D' 1V ) ey = AB.AD.h =~/6/3 - =%

Céu 32: Cho mit cau (S) c6 ban kinh R=5 (cm). Mt phing (P) cdt mit cau () theo giao tuyén la
dudng tron (C) c6 chu vi bang 87 (cm). Béndiém 4, B, C, D thay dbi sao cho 4, B, C
thuoc dudng tron (C), diém D thudc (S) (D khong thude duong tron (C)) va tam gidc
ABC 1a tam giac déu. Tinh thé tich 1on nhit cua tr dién ABCD .

A. 3243 (em’). B.60v3 (em’) . C.2043 (em’) . D.96V3 (em’) .

Céu 33: (THPT Chuyén Ngit - Ha Noi - Lan 1 nim 2017 - 2018) Cho mét cau (S) ¢6 ban kinh R=5 (cm).
Mit phang (P) cét mit cau () theo giao tuyén la duong tron (C) ¢6 chu vi bang 87 (cm).
Bén diém 4, B, C, D thay doi sao cho 4, B, C thudc duong tron (C), diém D thude (S)

(D khong thude duong tron (C )) va tam giac ABC la tam giac déu. Tinh thé tich 16n nhét ciia



tor dién ABCD.
A. 3243 (em’). B. 60v3 (em’) . C.20V3 (em®) . D.96V3 (em’) .

Loi giai

_——o—_ D
_— 1 -
- | b
! S
[ I
e [
/ S [ \
/ S F \
/ S P \
/' ! 1 \ \
[ /) ! i \ \
[ / ! i \ \
\
|
\ |

Chon A

Goi 7 1a tim cua mit ciu (S) va H 1a hinh chiéu cua I trén (P). Khi d6 H la tam cia

duong tron (C ) va la trong tdm cua tam giac ABC.

Dudng tron (C) c6 chu vi bang 87 (cm) nén 6 ban kinh r=4= IH =3.

Va tam giac déu ABC noi tiép duong tron (C ) nén co canh bang 43 va ¢6 dién tich khong
d6i. Do d6 the tich cua tir dién ABCD 16n nhat < khodng cach tir D dén (ABC) 1a 16n nhét
& H, I, D thang hang. Khi 46 DH =38.

Vay Vy =2 DH.S e =+ 8. (443 Bongi
3 3 4
Ciu 34: (THPT Chuyén Vinh Phtic — Vinh Phtic - Lan 4 nam 2017 - 2018)Cho hinh ch& nhat ABCD c6
AB=a, BC=2a.Trén tia d&i cla tia AB 1dy diém O sao cho O4A=x.Goi d la duong thang di
qua O va song song v&3i AD . Tim x biét thé tich ca hinh tron xoay tao nén khi quay hinh chit nhat
ABCD quanh d gap ba Ian thé tich hinh ciu cé ban kinh bang canh AB .

A.ng. B. x=2a. C.x=a. D.x=3—a.
2 2
Loi giai
Chon A
D C
2a
(¢] x A a B

Thé tich khéi cau co bankinh R=AB=a:V, = émf :

Thé tich khdi tru tron xoay sinh ra khi quay hinh chit nhat ABCD quanh d .

V,=n(x+a) 2a-x2a.

Theo dé ta co V, =3V, < z(x+a) 2a—nx2a=4za’ < (x+a) —x* =24 <:>x=%.



Cau 35: (THPT Thuin Thanh 2 — Bic Ninh - Lin 2 nam 2017 — 2018)Ong An lam lan can ban céng
clia ngdi nha bang mot miéng kinh cudng lyc. Miéng kinh nay 1a mot phan ctia mat xung quanh
mot hinh try nhu hinh bén dudi.

A, B
150°

Biét AB=4m, AEB=150° (E la diém chinh giita cung AB) vi DA=1,4m. Biét gia tién
loai kinh nay 1a 500.000 dong cho mdi mét vudng. Sé tién (1am tron dén hang chuc nghin) ma

ong An phai tra la

A. 5.820.000 dong.  B. 2.840.000 dong. C. 3.200.000 dong.  D. 2.930.000 dong.
Loi gidi

Chon D

Goi O la tdm duong tron day cua hinh tru. Do AEB =150° = OEA = 75° = AOE =30°
— AOB=60°. Khid6 r=0A=AB=4.
Dién tich xung quanh cta hinh tru la Sy = 2zrl =27.4.1,4=112r.

Mat kinh lam lan can c6é dién tich 1a S = équ = 218—5” .

Vay s6 tién ong An phai tré 1a 500.000.5 = 20000007

~2.930.000 dong.

Cau 36: (THPT Chuyén Lwong Thé Vinh — Déng Nai — Lan 2 nam 2017 - 2018) Ba chiéc binh
hinh try cung chira 1 luwong nudc nhu nhau, d6 cao myuc nudc trong binh /7 gép d6i binh 7 va
trong binh /I gap d6i binh /7. Chon nhan xét dung vé ban kinh day %, 1,, 1, cua babinh 7,
1, Il .
A. 1, r,, 1, theo thir ty 1ap thanh céip sb6 nhan cong bdi 2.

B. r, r,, r, theo thtr ty 1ap thanh céip sb nhéan cong boi % .
C. n, r,, 1, theo thir ty 1ap thanh céip s6 nhan cong boi \/5 .
D. r, r,, r, theo thu ty 1ap thanh ciip s6 nhan cong boi L .
2
Loi giai
Chon D
Goi V;,, V,, V, lan lugt la thé tich ctia binh 7, 17, III .



Taco V, =V, < nr’hy = w1’ h, < 1°h =1,"2h =, =%. (1)

V, =V, < xr’h, = m1°hy < 152k = 1220, = 1, = 2. (2)
2
Tur (1) va (2) taco r, r,, r; theo thur ty 1ap thanh cép sb6 nhan cong boi %

Céu 37: (THPT Chuyén Lwong Thé Vinh - Dong Nai — Lan 2 ndm 2017 - 2018) Cho ling try tam

e . . " ] —
giac déu ABC.A'B'C' c6 tat ca cac canh bang a. M 1a mot dién théa man CM = -3 AA". Co

sin cua goc giira hai mét phang (A'MB) va (ABC) bang

NRE) B 0 ¢ B p. L
8 16 - 10 4
Loi giai
Chon C

Xét hinh lang tru tam giac déu ABC.A'B'C’ ¢ tat ca cac canh bang a . Gan hé truc nhu hinh vé
quy uéc a=1 (donvi).

M
| 3
A(0,0,1) g c(0,1,1)
/|
!
Fa
3 |1
Ry, TR LY
3 2 |2
/
r
Fs
/!
/!
/,
0 ‘ A e —_——————
0,0,0)A /c'([}_l.()} y
3 1
B'(i.—.()]
T 2 72

Goi D 1a giao diém cia A'M va AC.

Vi tam giac A'B'C’ 1a tam gic cin canh bang @ nén ta suy ra d dai cic duong trung tuyén Ia

a3
2

. Suy ra toa d6 cac diém nhu hinh vé.

Theo gia thiét ta c6 CM = —%ﬂ viy = AADA' ~ ACDM = g—g =2=DA=-2DC
Viy toa do cia diém D 1a D(O;%;lj

Ta c6 mit phang ABC c6 phuong trinh z=1= n ABC) (O 0; 1)
Mit khéc mit phang (A'MB) 1a mat phing di qua ba diém A',D va B.

Ta cé: ﬁ:(o;g;lj va A'B = (\/_ L. J:ﬁ(A,BM)z[E,E]:(l;ﬁ;ﬁJ
3 2’ 2 3

6



Viy = c6 sin goc tao boi hai mt phing (4'MB) va (4BC) la

NG

R

L3l oo

36 4 3

Cau 38: (THPT Quynh Lwu 1 - Nghé An — Lan 2 nam 2017 — 2018) Mot khuc g6 c¢6 dang hinh khéi nén co
béan kinh d4y bang » = 2m, chiéu cao 4 = 6m. Bac thg mdc ché tac tir khic gd d6 thanh mot khic gd
c6 dang hinh khéi try nhu hinh v&. Goi ¥ 14 thé tich 16n nhét ctia khiic gb hinh tru sau khi ché tac. Tinh
V.

cos(ﬁ(A,BM),ﬁ(ABC)) =

cos((m)) =

2z, , R2r, ,
AV =——(m"). V=——(m
5 () D. ¥ ==5=(m’)
Loi giai
Chon D
Goi ., h, lan luot 1a ban kinh va chiéu cao ciia khdi tru.
Ta co: L_Sh =h =6=3r.
2 6
Talai co: V =zr’ .h, = 7[(652 —3rt3).
Xéthamsé f(r,)=6r" =31, véi 1, €(0;2)
co f’(i;)lei;—9rf; f'(r,)zO@i;z% (vir,>0).
Bang bién thién
e 0 = 2
() A 0 -
32
7(2) ?
0 0

max

Duya vao BBT tac6 f'(r,) :% dat tai r, :g.

Viay V:%ﬂ.



Cau 39: (SGD Quang Nam — nam 2017 — 2018) Hinh non (N)co6 dinh S, tim duong tron day 1a O,
goc ¢ dinh bing 120°. Mot mit phing qua S cét hinh nén (N) theo thiét dién la tam gidc
vudng SAB. Biét rang khoang cach giita hai dudng thang 4B va SO bang 3. Tinh dién tich

xung quanh S, cua hinh non (N)
A. S, =36\37. B.S, =27\3z.  C.S, =18/3z. D. S, =93z.

Loi giai

Chon C

Theo bai ra ta c6 tam gidc SAB vudng tai S va OH =3; va BSO =60°.

Goi r la ban kinh duong tron day cta hinh non thi duong sinh /=SB =

Suy ra BH:%AB: r‘f.

sin 60° 3

2

Xét tam gidc OBH vudng tai H , ta co 9+6%=r2 o r=33.

Dién tich xung quanh S, cta hinhnén (N)1a S, =7z.rl= 7[3\/3% =187+/3.

75
CAu 40: (THPT Tran Phti — Pa Nang - Lan 2 — nam 2017 - 2018) Cho tam giac vudéng can ABC c6
AB = AC =a~J2 va hinh chix nhat MNPQ v&i MO =2MN dugc xép chong 1én nhau sao cho

M, N lan luot 1a trung diém cua AB, AC (nhu hinh v€). Tinh thé tich ¥ cua vat thé tron
xoay khi quay mé hinh trén quanh truc A7, véi I 1a trung diém PQ.

A
M,
B C
Q 1 P
3 3 3 3
A.V:ll;m ' B.stml ' C.V:“”a ' Q.V:17ﬂa '
6 6 8 24
Loi giai



M F
@ » C
- F
Q I P

Ta cd: BC=~AB*+AC* =2a = MN =a, MO=2a.

Goi E, F lan luot 1a trung diém MN va BC.Taco AF =a, EF:%:IF:%a.

2
Vay, thé tich can tim V' = l7r.AF.FB2 +rIF1Q° = l7z.a.a2 + ﬂé alL| = £7ZCI3 :
3 3 2 \2 24

Cau 41: (SGD Nam Dinh - nim 2017 — 2018) Thé tich khéi tron xoay sinh ra béi phép quay truc hoanh hinh

phing gi6i han boi d6 thi ham s y = e?, truc hoanh, tryc tung va dudng thang x =2 bang:
A. (e-1). B. 7¢’. C.e-1. D. z(e’-1).

Loi giai
Chon D

18 18 2
Taco (1-4x)" =3 C (1) (<4x)" =D CF (-4) "V = 7[e'dx = 7e”
0

k=0 k=0

. =7r(ez—1).



Céu 1: (Tap chi THTT - Thang 4 nam 2017 - 2018) Cho tam gidc 4BC vudng & 4 c6 AB=24C. M
1a mot diém thay ddi trén canh BC. Goi H, K lan luot 1 hinh chiéu vuong goc cua M trén
AB, AC.Goi V va V' tuong ting la thé tich ctia vat thé tron xoay tao boi tam giac ABC va

!

hinh chit nhat MHAK khi quay quanh truc 4B . Ti sd % 16n nhét bang

AL B. 2. c.? D.>.
2 -9 3 4
Loi giai
Chon B
C
a
M
K
X
a
B
2a H
Giast AC=a, AB=2a, BM =x.Tacé:
BC=a+5, sinazﬂzi, cosa=—.
BC 5 V5
. X 2x 2x
MH =xsinaa=—, HB=xcosa=—f—, AH =2a——.
J5 J5 J5
Khi quay tam giac 4BC quanh truc 4B ta dugc mot khbi non co thé tich 1a :
3
VzéizACz.AB _2az

Khi quay hinh chit nhat MHAK quanh truc 4B ta dugc mot khdi tru ¢ thé tich 1a :

2
V' =z MH? AH = 7[%(241 —z—xJ.

NG

|4 3
Do d6, ~—=——x? 2.
0do, —-="7x 5\/§a3x
Xéthamso f(x)= %xz - 5\/3§a3 x’ trén doan [O;a\/ﬂ .
6 9 x=0
Taco: f'(x)=—x————x"; f'(x)=0< .
/(%) 5a2x 5\/§a3x f'(x) :2\{)’5616[0;\/5]
2a3/5) 4
f(0)=0,f(a\/§):0, f( 3 ng
Suy ra ﬁ?%f(x):f(zafJ:g.

!

Vay gié tri 16n nhat cta ti s6 % bang g



Cau 2: (Tap chi THTT - Thang 4 nam 2017 — 2018) Cho mat nén tron xoay dinh § day la duong tron
tam O c6 thiét dién qua tryc 1a mot tam giac déu canh béng a. A, B 1a hai diém bt ky trén
(0). Thé tich khi chop S.OAB dat gi tri 16n nhat bang

a*\f3 a*\f3 @’ p. O3

A. . B. . c. L.

96 48 24
Chon B

2
Ta c6 OA=0B :%, SO=h :%, S op :%OA.OB.sin AOB :%.sinAOB
2 e ———
Tacd Vyypy = hS,, = 3@ G 1o8-"B Gnaop< 3
018 =3 32 8 48 48

Dang thire xay ra khi va chi khi sin AOB=1< 041 OB.
3
Vﬁy I/max = ? \/g *
48

Cau 3: (THPT Chuyén Nguyén Quang Diéu — Péng Thap - Lin 5 nim 2017 — 2018) Mit tién clia mét
ngoi biét thy c6 8 ciy cdt hinh try tron, tat ca déu co chiéu cao béng 4,2 m. Trong sb céc cay
d6 c6 2 cay cot trude dai sanh dudng kinh bang 40 cm, 6 cay cot con lai phan bd déu hai bén
dai sanh va chung déu c6 duong kinh bang 26 cm. Chii nha thué nhan cong dé son cac cay cot
bang loai son gid dd, biét gia thué 1a 380.000/m? (ké ca vat liéu son va phan thi cong). Hoi
nguoi chi phai chi it nhat bao nhi€u tién dé son hét cac cay cdt nha do (don vi dong)?

(ldy 7 ~3,14159)
A. =12.521.000. B. ~15.642.000 . C. =10.400.000 . D. ~11.833.000.
Loi giai
Chon D
Céc cay cot co chiéu cao 1a h=4,2m.
2 cdy cot true dai sanh ban kinh bang R = 0,2 m.
6 cay cot o hai bén dai sanh c6 ban kinh bang » = 0,13 m.
Dién tich xung quanh cua 8 cdy cot la: S =47Rh+127rh = 4zh(R+3r) = 31.13944008 .
S6 tién it nhat phai chi dé son hét cac cay cot 1a: $.380000 ~11832987,23.
Viy s6 tién can chi 1a ~11.833.000 dong.
Cau 4: (THPT Chuyén Nguyén Quang Diéu — Péng Thap — Lan 5 nam 2017 - 2018) Ong 4n dit

hang cho mét co s& san xudt chai lo thuy tinh chét lugng cao X dé lam loai chai nudc c6 kich
thudc phan khong gian bén trong cta chai nhu hinh vé&, diy dudi c6 ban kinh R =5c¢m , ban



kinh c6 chai »=2cm, AB=3cm, BC=6cm, CD=16cm. Tinh thé tich ¥ phan khong gian
bén trong cua chai nudc.

A. V =490 cm’ . B.V=412nrcm’. C.V =464rcm’. D. V =494xcm’.
Loi giai

Chon A

Thé tich khdi try ban kinh day 1a R chiéu cao CD la:

V.=2R*.CD =400z cm’ .

Thé tich khéi nén cut c¢6 chiéu cao BC la:
V,= %BC(ﬁRz TR I + ﬂrz) = %.6(7:.25 +r25 w4+ 74) =T8T Cm’.

Thé tich khi tru ban kinh day 1a » chiéu cao 4B ( khdi c6 chai) la:
V,=nr’AB =12z cm’.

Thé tich phan khong gian bén trong cua chai nude 1a: V = Vi+V,+V, =490 cm’.
Cau 5: (THPT Chuyén Lwong Thé Vinh - Ha Noi — Lin 2 nam 2017 — 2018) Cho hinh chép tir giac déu
S.ABCD c6 canh day bang 2a. Mit phang qua 4B va trung diém M cia SC cat hinh chop

theo thiét dién c6 chu vi bang 7a. Thé tich ciia khdi non c6 dinh 1a S va duong tron day ngoai
tiép tir gidc ABCDbang

3 3 3 3
A, 2FENG \/8. B. 24 \/g‘ c. 27 */5. D. 2ra N6 \/g‘
9 3 3 3
Loi giai
Chon D

¢ ) C

Goi E la trung diém SD = ME//AB suy ra (ABM) cit hinh chép S.ABCD theo thiét dién
la hinh thang ABME .



Goi d6 dai canh bén cua hinh chop la x. Do chop S.ABCDIla chop déu nén
ASAD = ASBC = AE = BM .
SB*+BC* SC* x’+8d’

2 4 4

Ap dung hé thtrc trung tuyén ta c6: BM> =

2 2
+
Suyra AE =BM = X +8a

Miat khac dé thdy EM =a,AB=2a ma chu vi thiét dién bing 7a nén ta co:

2 2
a+2a+21/)C 280 =7a :>x:2a\/§.

Suy ra chiéu cao cuia hinh chép: SH? = S4* —

2
AC =6a’> = SH = a6 .

Khdi nén ¢6 dinh 1a S va duong tron day ngoai tiép tir giac ABCD chiéu cao 1a SH = a6 va

ban kinh duong tron day la ATC = a2 nén thé tich khdi non 1a:
2 3
14 Zéﬂ'(a\/g) a6 =@.

Cau 6: (THPT Chu Van An — Ha N6i - nam 2017-2018) Ban An ¢6 mot coc gidy hinh non c6 duong
kinh day 1a 10cm va dd dai dudng sinh la 8cm . Ban du dinh dung mdt vién keo hinh cau sao
cho toan bd vién keo nam trong cdc (khong phan nio cua vién keo cao hon miéng cbc). Hoi
ban An c6 thé dung duoc vién keo c6 dudng kinh 16n nhit bang bao nhiéu?

S
A ﬁcm B. @C . C. ﬁcm D 10@
J39 13 J39 13

Chon D

Goi (P) la mit phang di qua dinh va vudng géc véi mit phang day cia hinh non. Khi d6 (P)
cit hinh cau (vién keo) theo thiét dién 1a dudng tron 16n. Vién keo c¢6 dudng kinh 16n nhat khi
va chi khi dudng tron 16n 1a duong tron ndi tiép tam giac S4B .

Nua chu vi tam gidc SAB 1a p=13.

Dién tich tam gidc S4B 1a S =%AB.d(S, AB) =%.10.\/82 -5 =539
S 539 104/39
13 '

Bén kinh duong tron ni tiép tam gidc SAB: r=—=""" do d6 dudong kinh 2r = T
p




Cau 7: (THPT Chuyén V6 Nguyén Giap - Quang Binh - nam 2017-2018) Cho tam giac ABC
vuong tai A ¢6 AC=lcm; AB=2cm, M 1a trung diém cia AB. Quay tam giac BMC
quanh truc 4B ta dugc khéi tron xoay. Goi V' va § lan luot 1a thé tich va dién tich cta khdi
tron xoay d6. Chon ménh dé dang.

A.V:%n;szn(ﬁ—ﬁ). B.Vzﬂ;S:ﬂ(\/g+\/§).
C.Vzéﬂ;S:ﬂ(\/g+\E). D.V:;z;S:;z(\B—JE).
Huéng din giai

Chon A

Goi (H 1) 1a hinh noén tron xoay tao thanh khi cho tam gidc 4BC quay quanh canh AB, (H 2)
1a hinh nén tron xoay tao thanh khi cho tam gidc MAB quay quanh canh AB.

Khi d6 V =§7ZAC2.AB—%7ZAC2.MA =%7r; S=7AC.BC—7AC.MC = ;z(\E—\/E) .
CAu 8: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Cho hinh chép S.4BC c6 day ABC

Ia tam gidc vudng tai B, BC=2a Mat bén (SAB) vudng goc voi ddy, ASB=60°, SB=a.

Goi () 1a mat cau tim B va tiép xuc voi (SAC). Tinh ban kinh r ciia mt cau (S).

A r=2a. E.r=2a\/z. C. r=2a3. D.rza\/z.
19 19

Hwéng din giai
Chon B



A
Ta c6 (SAB) L(ABC), (SAB)N(ABC)= 4B, BC L AB = BC 1(S4B).

V& BM 1 SA tai M = SA L (BMC) = (SAC) L(BMC), v& BH L MC tai H
= BH 1 (SAC) = r=BH .

5 5y @V3
Ta c6 BM =sin60°.5B = BM =3 g - BCBM 2 _94 /i.
2 JBC? + BM? \/4a2+3“2 19

Vay ban kinh ctia mit cau (S) bang 2a, /% .

Céu 9: Cho hinh tru c¢6 ban kinh ddy bang 4. Mot mét phang khong vudng goc véi day va cat hai day cia
hinh try theo hai ddy cung song song MN,MN' théoa mdn MN =M N'=6. Biét rang ti
gidc MNN'M" c6 dién tich bang 60 . Tinh chiéu cao /4 ciia hinh tru.

A h=42. B.h=45. C.h=65. D. h=632.

Cau 10: Cho hinh try ¢6 ban kinh day bang 4. Mot mat phing khong vudng goc voi day va cat hai day
ctia hinh tru theo hai day cung song song MN,MN' théa man MN = M'N' = 6. Biét rang tir
gidc MNN'M" c6 dién tich bang 60 . Tinh chiéu cao / ciia hinh tru.

A h=4/2. B.h=45. C.h=65. D. h=6v2.
Loi giai
Chon D

. , . NPV . |MN L MH
Dung duong kinh NH cua dudng tron day tam O. Ta co = MN 1L MM'. Suy ra
MN 1L HM'

to gidc MNN'M' 1a hinh cht nhat. Do d6 MM’ = %0 =10.



Mit khic HM =+/NH> —MN> =/64—36 =247 suyra M'H =~MM> —MH* =642 .
Vay chiéu cao cua hinh tru 13 4 = 6\/5 .

Cau 11: C6 mot khdi cau bing gd ban kinh R =10cm . Sau khi cwa bang hai chom cau c6 ban kinh day bang
%R dbi xtng nhau qua tdm khdi ciu, mot nguoi thg khoan xuyén tam khdi cau. Nguoi tho da
khoan bo di ph?m hinh try c6 tryc cua no6 trung véi truc hinh cAu; mit cit cua hinh tru vuong
goc voi truc hinh tru 1a mét hinh tron c6 ban kinh béng %R. Tinh thé tich ¥ cua phﬁn con lai

ctia khéi cau (1am tron dén s6 thap phan thir ba).
A. V' =282844Icm’. B.V =2774,570cm’. C.V =2811,293cm’. D. V =2720,699cm’.

Cau 12: C6 mot khdi cau bing gd ban kinh R =10cm . Sau khi cwa bang hai chom cau c6 ban kinh day bang
%R d6i xtmg nhau qua tim khéi cau, mot ngudi thg khoan xuyén tdm khéi cau. Nguoi tho da
khoan bo di phén hinh tru c6 tryc cua n6 trung véi truc hinh cAu; mit cit cua hinh tru vuong
goc voi truc hinh tru 1a mét hinh tron c6 ban kinh béng %R. Tinh thé tich ¥ cua phﬁn con lai

ctia khéi cau (1am tron dén s6 thap phan thir ba).
A. V' =282844Ilcm’. B.V =2774,570cm’. C.V =2811,293cm’. D. V =2720,699cm’.

Loi giai

Chon D

Thé tich khéi cau ban dau 1a V, = §HR3 .
2
Taco MH :1/R2 _RT :gR , suy ra chiéu cao tru 1a 2MH =R\/§.

2
Thé tich khi tru bi khoan di la ¥, = n@j ABR= g;ﬂv .



R

Thé tich hai chém cdu 7, =27 [ (R*—x")dx.
B
2

Khi cho R=10cm tacod V =V, -V, -V, ~2720,699cm’.

Cau 13: Nguoi ta ché tao ra mot mén dd choi cho tré em theo cac cong doan nhu sau: Trudc tién, ché tao ra mot
hinh nén tron xoay c¢6 goc & dinh 1a 2a = 60° bang thiy tinh trong subt. Sau d6 dit hai qua ciu nho
bang thiy tinh ¢6 ban kinh 16n, nhé khac nhau sao cho hai mit cau tiép xic véi nhau va déu tiép xtic véi
mit nén, qua cau 16n tiép xic voi ca mat day cia hinh nén (hinh v&).

Biét rang chidu cao cta hinh nén bang 9cm . Bo qua bé day cua cac 16p vo thay tinh, tong thé tich cua
hai khdi cau bang

1127, 407 38w 4

cm’. B. Tcm . C. Tcm . D. wcm3.

>

Cau 14: Nguoi ta ché tao ra mot mon dd choi cho tré em theo céac cong doan nhu sau: Trudc tién, ché tao ra mot
hinh nén tron xoay ¢6 goc & dinh 1a 2¢ = 60° bang thuy tinh trong sudt. Sau d6 dat hai qua cau nho
bang thiy tinh ¢6 ban kinh 16n, nhé khac nhau sao cho hai mit cau tiép xic véi nhau va déu tiép xtic véi
mit non, qua cu 16n tiép xuc véi ca mit day ciia hinh nén (hinh v&).

Biét rang chiéu cao cua hinh nén bang 9cm . Bé qua bé day cua cac 16p vo thity tinh, tong thé tich ciia

hai khoi cau bang

A. 112ﬂcm3. B. 4O—ﬂcm3. C. 38—”cm3. D. wcm3.
3 3 3
Loi gidi
Chon A

Goi AB la duong kinh mét nén, O la dinh, M , N lan luot la giao diém cua tiép tuyén chung
cua hai mat cau va O4, OB (hinh v§).



4 B

Ta c6 tam giac OAB déu nén ban kinh dudng tron noi tiép bang r = %h =3.

Tuong tu, tam giac OMN déu, co chiéu cao =9 —2r =3 nén c6 ban kinh dudng tron noi tiép

WZLS:L
3
Thé tich hai khdi ciu bing ¥ = gmz N g . 132;; |

Cau 15: Nguoi ta ché tao mot mon do choi cho tré em theo cac cong doan nhu sau: Trudc tién ché tao ra
hinh nén tron xoay cé goc ¢ dinh 1a 20, = 60° bang thuy tinh trong sudt. Sau d6 dit hai qua cau
nho bang thuy tinh ¢é ban kinh 16n, nho khac nhau sao cho hai mit cau tiép xtic voi nhau sao
cho hai mit cau tiép xtc véi nhau va déu tiép xiic vi mat non, qua cau I6n tiép xtc voi mat
day ctia hinh nén (hinh v&). Biét rang chiéu cao ctia hinh nén bang 9cm . B6 qua bé day cac 16p
vo thily tinh, tong thé tich ctia hai khdi cau bang

5

C.%. p, 100%

3

Cau 16: Ngudi ta ché tao mot mon do choi cho tré em theo cac cong doan nhu sau: Trudc tién ché tao ra
hinh nén tron xoay cé goc ¢ dinh 1a 20, = 60° bang thuy tinh trong sudt. Sau d6 dit hai qua cau
nho bang thiy tinh c¢6 ban kinh 16n, nho khac nhau sao cho hai mit ciu tiép xuc véi nhau sao
cho hai mit cau tiép xtc véi nhau va déu tiép xiic vi mat non, qua cau 16n tiép xtc voi mat
day ctia hinh nén (hinh v&). Biét rang chiéu cao ctia hinh nén bang 9cm . B6 qua bé day cac 16p
vo thily tinh, tong thé tich ctia hai khdi cau bang



1007

1127 D. ‘

1>

Chon A

Goi N, 1, tdm va ban kinh cua dudng tron nho. M ,r, 1a tim va ban kinh ctia mat cau lon. Do
cac mit cau tiép xic voi nhau va tiép xtic véi mit non nén tam gidc SCN vuodng tai C, tam gidc
SBM vudng tai B.
Hinh nén tron xoay c6 goc ¢ dinh 1a 20 = 60° nén 4SO =30°.
. . 1 1 SO
Taco r, =sin30°.SM =—SM =—(SO—-r,)=>r,=—=3;
2 2 3
_SO-2r,
3

rlzéSNZSin30°(SO—r1—21/2):>r1 1.

Thé tich hai khéi cu 16n, nhd trong hinh nén 1a ¥ = g( K+ ) =112,

Cau 17: Cho hinh lap phuong ABCD.A'B'C'D'c6 canh day bang avéi Ova O' 1a tim cta hinh vuong
ABCDvaA'B'C'D'. Goi (T')1a hinh try tron xoay tai thanh khi quay hinh chit nhit 44'C'C
quanh truc OO'.Thé tich cta khdi tru(T') bang

A. l7m3. B. lmf. C. émf. D. 2rza’.

Céau 18: Cho hinh lap phuong ABCD.A'B'C'D'c6 canh day bang avéi Ova O' 1a tim cta hinh vudng
ABCDvaA'B'C'D'. Goi (T)1a hinh try tron xoay tai thanh khi quay hinh chit nhit 44'C'C

quanh truc OO'.Thé tich ctia khéi tru(7T') bang



—ra’. C. l7ra . D. 27za’.

I®

Huéng din giai

D' C’

)
{

)
W\
\
\
' X
/
o Y
/\|
% &
\|
\
R

o

A

AC a2

Ban kinh hinh tru » = =
2 2

Chiéu cao hinh tru 1=00"'=a

Thé tich khditrula V = har’ = a.ﬂ'.( o

a\/zjz - 7Z'Cl3

Cau 19: Mot bon chira xdng gom hai nira hinh cau ¢6 duong kinh 1,8, va mot hinh tru cd chiéu cao

bang 3,6m (nhw hinh vé minh hog). Thé tich ctia bon chira gan nhét véi két qua nio sau day?

[ -

A 12,21 m’. B. 3,05 m’. C. 24,43 m’. D. 9,16 n’’.

Cau 20: Mot bon chira xang gom hai nira hinh cau c6 duong kinh 1,8, va mot hinh tru c6 chiéu cao
bang 3,6m (nhw hinh vé minh hog). Thé tich ctia bon chira gan nhét véi két qua ndo sau day?
3 6 m

B. 3,05 m’. C. 24,43 m’. D. 9,16 m’.

Chon A
Thé tich bon chira bang thé tich khdi tru ¢6 ban kinh R=0,9 m va khdi tru ¢6 R=0,9 m,

chiéu cao h=3,6 m.

Hay ¥/ :%mﬁ + RN :%;:(0,9)3 +7(0,9)°3,6 ~12,21 m*.



Cau 21: Hai chiéc ly dung chat 18ng giong hét nhau, mdi chiéc cé phan chira chat 16ng 13 mot khéi nén cé chiéu cao 2
dm (mé ta nhu hinh v&). Ban dau chiéc ly th&r nhat chira day chat 1dng, chiéc ly thi hai dé rdng. Ngudi ta
chuyén chat 1dng tir ly th&r nhat sang ly thir hai sao cho d6 cao cla cdt chat ldng trong ly thir nhat con
1dm. Tinh chiéu cao h cla cdt chat 1&dng trong ly th hai sau khi chuyén (d6 cao cla cot chat 16ng tinh tir
dinh cla kh&i ndn d&n mit chat 1dng - lwong chat 16ng coi nhu khdng hao hut khi chuyén. Tinh gan ding
h v&i sai s6 khéng qua 0,01dm).

<7 <7

f

L}
]
]
]
1
1
-

I
1
1
1
Ak 1
= i 4

A. h=1,73dm. B. 7 ~1,89dm. C. h=1,91dm. D. h=1,41dm.

Cau 22: Hai chiéc ly dung chat 18ng gidng hét nhau, mdi chiéc cé phan chira chat 1dng 1a mét khéi nén cé chiéu
cao 2 dm (md ta nhu hinh v&). Ban d4u chiéc ly thir nhat chira day chat 1dng, chiéc ly tha hai dé rong.
Ngudi ta chuyén chat 1dng tir ly thi nhat sang ly thir hai sao cho d6 cao cla cdt chat I6ng trong ly thi
nhat con 1dm. Tinh chi@u cao h cla c6t chat 16ng trong ly thi hai sau khi chuyé&n (d6 cao cla codt chat
I6ng tinh tir dinh cOa kh&i ndn dén mat chat 16ng - lwong chat 1dng coi nhu khéng hao hut khi chuyén.
Tinh gan dung h véi sai s6 khéng qua 0,01dm).

X7 X7
A

I
]
]
]
|

4

I
an
-

A. h~1,73dm. B. 7 ~1,89dm. C. h~1,91dm. D. h~1,41dm.
Loi giai
Chon C
A
D
/ F \
F
R"
B R H C

C6 chiéu cao hinh nén khi dung day nuée & ly thir nhat: AH =2.
Chiéu cao phan nudc & ly thir nhét sau khi d6 sang ly thi hai: 4D =1.
Chiéu cao phan nudc & ly thi hai sau khi d6 sang ly thir hai: AF =5 .



R AD 1 R'"_ AF _h R Rh

Theo Talettacé: —=——=—, —=——=—suyra R'=—, R"=—.
R AH 2 R AH 2 2 2
Thé tich phan nudc ban dau & ly thi nhat: V =27R* .

273
Thé tich phan nuéc ¢ ly thir hai: V, = zR"*h = ZRK .

: . , : R’
Thé tich phan nuéc con lai ¢ ly thir nhat: V, = ”T .

213 2
Ma: V=V, +V, o TR 7R

3
—27R? @%%:2 o h=37~1,91.

Céu 23: Cho hinh chop S.ABCD c¢6 ddy ABCD la hinh vudng canh a. Mat bén S4B la tam giac déu va
nam trong mat phang vuéng goc voi mat day. Ban kinh ctia mat cau ngoai ti€p hinh chop

S.ABCD
A.“‘/?. B. "‘éﬁ. C. "‘6/3. D.“;ﬁ.

Cau 24: Mot cong ty san xuat mot loai coc gidy hinh nén c6 thé tich 27 cm?, voi chiéu cao % va ban kinh
day r. Gia tri r dé lugng gidy tiéu thu it nhat:

6 8 8 6
A.r=,4/32. E.r=,6/32. C.r=432. D.r=632
2z 2z 2z 2z

Céu 25: Cho hinh chop S.ABCD c6 day ABCD la hinh vuéng canh a. Mat bén S4B la tam giac déu va
nam trong mat phang vuong goc voi mat day. Ban kinh cia mat cau ngoai tiép hinh chop

S.ABCD

A2 p. 1 C.ﬁ. D.a‘ﬁ.

=6 6 6 3
Loi giai

Chon A

Cich 1: Day la mit cau ngoai tiép hinh chop loai 3 nén

2
_ 2 2 ABz _ a2 a : 612 _ an?21
Rmc— Rl +R2 —T— 2 + ﬁ —T—T

(V61 R, 1a ban kinh duong tron ngoai tiép hinh vuéng ABCD canh a, R, 1a ban kinh duong
tron ngoai tiép tam gidc SAB déu canh a va AB=(ABCD)N(S4B)).
Cach 2:

Goi H latrung diém 4B, mit bén SAB 1a tam giac déu va nam trong mit phang vudng goc
voi mit ddy nén SH L (ABCD).



Goi O=ACNBD, dung Ox L(ABCD) = Ox//SH .

Goi G 1a trong tdm tam giac SAB . Dung Gy L (SAB) = Gy//HO, GynOx=1.
, {Ier:IA:IB:IC

Ta co

suy ra / 1a tim mit cau ngoai tiép hinh chop S.ABCD .
leGy=>IS=14=1IB

B 2
X 2 3 V21
Bén kinh mit ciu 1a ST =+/SG* +GI* =/SG* + HO* = \/[5 a\z/_J +(§j -4 3
Cau 26: Mot cong ty san xuat mot loai cde gidy hinh non ¢6 thé tich 27 cm’, vai chiéu cao % va ban kinh day 7.

Giatri 7 dé lugng gidy tiéu thu it nhét:

6 8 8 6
A.r:432. E.r:632. C.r:;‘/32. D.r=632
2r 2r 2r 2r°
Loi gidi
Chon B
Ta c6 thé tich cc hinh nén V:%ﬂ.rz.h=27 :h:g—lz, r>0.
.r

Khi d6 / = [ 81
.r

¢ - 8LY L3 ) 3
g =T — +rt =1 |r —ﬁz'r4+r = ﬁz.r2+r —ﬂﬂlf(r).

Luong gidy tiéu thu it nhit < dién tich xung quanh phai nho nhét < f ( r) nho nhét.

2
j +7° . Suy ra:

2
) 38 38 38 8
Tacd: f(r)=——+r'= +27T2'r2+r4233—(4ﬂ)4 .

Tor 27t r
) 38 38 38
bang thuc xay ra khi va chi khi Tzr“@ré: S r=8—7F.
2" 2r 2r

2 4 A 38
Vay dé lugng gidy tiéu thu it nhat thi 7 = {| ot
3 4

Chu y: Ta c6 thé khao sat ham f(r)=——+r*, r>0
T.r
38
f’(r)=0<:>r:627[2 =7,.
r 0 I + o0
f - 0 +
+ o + o

ftr) \f(r(/

Cau 27: Cho hinh thang vudng tai Ava B v6i AD =2AB=2BC =2a. Quay hinh thang va mién trong
ctia n6 quanh duong thang chira canh BC . Tinh thé tich V cuia khéi tron xoay dugc tao thanh.

3 3 3
AV =nd. 5.1/:57;“ . C.V=7T;a . D.V=4’;“ .

Céau 28: Cho hinh thang vuéng tai Ava B v6i AD =2AB=2BC =2a. Quay hinh thang va mién trong
ctia n6 quanh duong thiang chtra canh BC . Tinh thé tich V cta khéi tron xoay duoc tao thanh.



3 4 3
. c.y="" D.y =T
3 3 3
Loi giai

A V=na. B. V=

Chon B
Khi quay hinh thang thi khéi tron xoay tao thanh 13 hinh tru khuyét gdm hai phan . phan kh6i
tru va khéi non bén trong.
Phan hinh try c6 ban kinh duong tron day R =AB=a.
Thé tich hinh tru V, = 7R*h =27a’ .
Phan hinh nén c6 ban kinh day R,=AB=a.
Thé tich khéinén V, = %mejh = %ﬂf :

2 .. S 5
Thé tich khoi tron xoay V=V, -V, =—7a’.

3

Cau 29: Cit kh6i nén c6 ban kinh day bang 2 va chiéu cao bang 3 bdi mot mit phang song song va cach
truc mot khoang bang 1. Di¢n tich thict dién la

A 32, B.\3. C. 243. D. 22.

Céu 30: Khoi cau (S) c6 thm /, dudng kinh 4B =2R. Cit (S) béi mot mit phing vudng goe véi
dudng kinh 4B ta duoc thiét dién 1a hinh tron (C) ri bo di phan 16n hon. Tinh thé tich phan
con lai theo R, biét hinh nén dinh 7 va déy 1a hinh tron (C) c6 géc ¢ dinh bang 120"
3 3 3 3
A S7R S7R C S7R D 57R .

- 24 8 32 12

Cau 31: Cit khoi non co ban kinh day bang 2 va chiéu cao bang 3 boi mot mit phang song song va cach
truc mot khoang bang 1. Dién tich thiét dién 1a
A. 32, B. 3. C. 243. D. 24/2.
Loi giai
Chon C q ,
Khi cat khoi non bdi mot mat phang song song vai truc ta s€ dugc thiét dién 1a mot Parabol.
Chon hé truc toa d6 nhu hinh vé

Theo dé baitacéd I0=1, IM =2 = OM =ON =+/3.

Taclingcod IS=3=0P= 3 Phuong trinh cua Parabol 1a y = —%xZ +%.

Dién tich cua thiét dién dugc tinh theo cong thirc



V3

=243.

5

NS
I (—lxz +§)dx =(—lx3 +§xj
BN 2 2 6 2

Chu 32: Khéi cau (S) c6 tim 7, dudng kinh AB=2R. Cit (S) boi mdt mit phang vudng goc véi

dudng kinh 4B ta duoc thiét dién 1a hinh tron (C) rdi bo di phan 16n hon. Tinh thé tich phan
con lai theo R, biét hinh nén dinh 7 va déy 1a hinh tron (C) c6 géc & dinh bang 120"

3 3 3 3
A S7R . B. S7R . C. S7R . D. 57R .
24 8 32 12
Loi giai
Chon A

Cich 1: Goi mit phang vudng géc véi duong kinh cua khdi cau 1a mét phang (P)

Ta c6 mit phang (P) cat khdi cau theo mot duong tron (C). Khi d6 dudng kinh cua dudng

tron (C) bang R+/3 . Suy ra khoang cach tir tim I dém mit phing (P) la § .

Mit phing (P) cach tim / mot khodng § chia khéi cau thanh hai phan, phan 16n 1a phan

chira tim / con phan nho 1a phin khong chira tAm 7 goi 1a chom cau. Khi d6 thé tich cua
2 2 3
chom caula V = 2R+£ R—5 EZE.R—.£=57TR .
2 2)3 2 4 3 24
Cich 2: Thé tich khéi chom cau 1a thé tich vat thé tron xoay sinh ra khi cho hinh phing gidi

han boi bén duong sau: d6 thi y=+R>—x*, truc hoanh, duong thing x=§; x=R quay
quanh truc hoanh.

2 R 2
Theé tich nay la: V:ﬂj(\/Rz—xz) dx =7
R

2

57R’

R
(R2 —xz)dx :”[sz_x_sj
3 )z 24
2

N\%'—.R:

Cau 33: Cho ldng tru tam gidc ABC.A'B'C' c6 ddy ABC la tam giac déu canh a. Hinh chiéu vuéng géc
cta A’ trén mit phang (4BC) la trung diém clia 4B . Néu AC’ vudng goc voi A'B thi thé
tich V' cha khai lang tru ABC.A'B'C' 13

a*6 a*6

3 3
. B.V = . c.y=9Y6 p.y =46
8 4 2 24

Cau 34: Cho lang try tam gidc ABC.A'B'C' c¢6 ddy ABC 13 tam gidc déu canh a. Hinh chiéu vuéng géc cia 4’



trén mat phang (ABC) 13 trung diém cta AB .Néu AC’ vudng géc vai A'B thithé tich V' cha khéi
lang tru ABC.A'B'C" 1a

Chon A

a*\3

* Dién tich day 1a S, =——

«Goi H, H' lan luot 1a trung diém cia AB, A'B' va K=AH' N A'B.

Tacd CH L AB;CH L A'H = CH 1 (AA'B'B)= C'H' L (AA'B'B) = C'H' L A'B.
Taco ABLCH; ABLAC'= A'BL(AC'H) = A'B L AH' (tai K).

bit AH=x=>HB=x.

Ta c6 K latrong tdm tam giac 4A'B’

2
Suy ra KBz%A'Bz% X +% . KA :§AH':§\/x2 +a .

AKAB vudng tai K nén

2 a\/z

KB* +KA* = AB? @%(2x2+%J=a2 < 8x* +5a’ =9a° <:>sz.



a’~3 a\/E_a3\/g

4 2 8

Vay V=S ,..AH =

Cau 35: Cho hinh chop tir gidc déu co goc giita mat bén va mit day bang 60°. Biét ring mit cdu ngoai

tiép hinh chép dé c6 ban kinh R = a~/3. Tinh d¢ dai canh ddy cua hinh chép tir gidc déu néi

trén.
A. 261. B. 2a. C. Ea. D. 2a.
4 2 5

Cau 36: Cho hinh chép tir gidc déu co goc giita mit bén va mit day bang 60°. Biét rang mit cau ngoai

tiép hinh chop d6 co ban kinh R = a~/3. Tinh d6 dai canh day cua hinh chop t giac déu néi

trén.

A. 2a. B. 2a. C. ga. D. 2a.
4 2 5

Chon D

Goi N 1a trung diém canh BC suy ra ((SBC),(ABCD))=SNO=60° .

Goi M 1a trung diém canh SB, dung MI 1 SB (1 €S0) suyra I 1a tim mit cau ngoai tiép
khdi chop.

gt DC =2x. Khi d6, SO =xv/3, SB =x+/5.

Tam giac SMI dong dang voi tam giac SOB suy ra

SM.SB _ SB> _5x\3 _ a3 = x5

SO 250 6 T 5

Vay do dai canh day 1a 2x = 120

ST =

Cau 37: Cho hinh nén c6 ban kinh day bang 6, chiéu cao bang 8. Biét rang c6 mot mat cau tiép xuic voi
tat ca cac duong sinh ciia hinh nén, dong thoi tiép xuc voi mat dy ciia hinh nén. Tinh ban kinh
mit cau do.

A. 5. B. 1,75. C. 4,25. D. 3.

Cau 38: Cho hinh nén c6 ban kinh day bang 6, chiéu cao bang 8. Biét rang c6 mot mat cau tiép xic voi
tat ca cac duong sinh ciia hinh nén, dong thoi tiép xuc voi mat dy ciia hinh nén. Tinh ban kinh
mit cau do.

A. 5. B. 1,75. C. 4,25. D. 3.

Huéng din giai



Chon D

Puong phan giac cta goc SOA cit SO tai / = I 13 tAm mat cau can tim, ban kinh = JO.

Taco: SO=8, 04=6=S4=10.

SI S84 SO-10 SA 8-r 10
10 04 10 04 r
Cau 39: Cho hinh chép tir giac déu S.ABCD ¢6 cac canh déu bang a~/2 . Tinh thé tich khdi nén c6 dinh
S va dudng tron day 1a duong tron noi tiép tir gisc ABCD .
2 3 3 3
2ra B.V:ﬁ”“ : C.V:”;‘ . Q.V:”g .

AV =

Cau 40: Cho hinh chép tir giac déu S.ABCD ¢6 cac canh déu bang a~/2 . Tinh thé tich khdi nén c6 dinh
S va dudng tron day 1a duong tron noi tiép tir gisc ABCD .

2 3 3 3
N L B,y Y2ra c.v="% p. V=22
6 2 2 6
Loi giai
Chon D

Goi O 1a tam cua hinh binh hanh 4ABCD = SOJ_(ABCD).
1
Taco: OA=EAC =a = 8S0=,/S4"-A40* =a.

Hinh nén dinh S c6 chiéu cao 4= SO =a, ban kinh day r = # , co thé tich 1a :



Cau 41: Cit hinh nén dinh 7 bai mot mat phang di qua truc hinh nén ta dwoc mot tam giac vudng can co
canh huyén bang ax2; BC 1a day cung ctia dudng tron day hinh nén sao cho mat phang
(IBC) tao véi mit phang chira day hinh n6n mot géc 60°. Tinh theo a dién tich S cua tam
giac IBC.
A.S:ﬁaz. B. 5= 24 c.s=%. D.S:ﬁaz.
3 3 3 6

Cau 42: Cit hinh nén dinh 7 bai mot mat phang di qua truc hinh nén ta dwoc mot tam giac vudng can co

canh huyén bang a2 ; BC la day cung ciia duong tron dy hinh nén sao cho mit phang
(IBC ) tao voi mat phang chira day hinh nén mot goc 60°. Tinh theo a dién tich S cua tam

giac IBC.
2 2 2 2
A.S:\/Ea . B.s=2% c.s=2. D.S:\/Ea .
3 3 3 6
Loi gii
Chon A

Cit hinh nén dinh 7 bdi mot mat phang di qua truc hinh nén ta dwoc mot tam giac vudng can

a2
2

c¢6 canh huyén bang a~/2 nén ban kinh cua hinh nén 1a 7= OB = OC =

a2
2

, duong sinh

|=IB=1IC=a vaduongcao h=S0=

Goi H la trung diém BC, khi d6 goc hogp boi mat phang (IBC ) va mat phang chtra duong

tron déy 1a [HO = 60°. Suy ra [H =—C = a6 BC =2CH =2\IC* - IH? :#.

sin60° 3
2
Dién tich S ctia tam gidc /BC 1a S, :%.IH.BC: 2 f

Cau 43: Cho hinh chép S.ABCD c6 day la hinh vuéng canh bang 2, canh bén S4 vudng goc véi day,
goc gilta canh bén SC va day bang 60°. Tinh thé tich ctia khoi tru c6 mot day la duong tron
ngoai tiép hinh vuéng ABCD va chiéu cao bang chiéu cao cua khoi chop S.ABCD .
2J6n 431
3 3

A,V =46n. B.V = C.V=2J6m. D. V=

Cau 44: Cho hinh chép S.ABCD cé day 1a hinh vuéng canh bang 2, canh bén S4 vudng goc véi day,
goc gitta canh bén SC va day bang 60°. Tinh thé tich cta khdi tru c6 mot day 1a dudng tron
ngoai tiép hinh vuéng 4BCD va chiéu cao bang chiéu cao ctia khdi chop S.ABCD .



2\/€n 4x/§7[

A,V =4J6m. BV == C. V=2J6n. D. V==
Loi giai

Chon A

AC=242.

Goc gitta SC véi day 1a goc SCA = 60°
Suy ra SA = AC.tan 60° = 24/2.4/3 = 24/6 .

Bén kinh dudng tron ndi tiép hinh vuéng ABCD bang % =2.

V =Sh =n(x/§)2 246 = 46w

Cau 45: Trong doi séng hang ngiy, ta thudng gip rat nhiéu hop kiéu hinh try nhu: hop sira, lon nude
ngot,... Can lam nhitng hop d6 (co nip) nhu thé nao dé tiét kiém dugc nguyén liéu ma thé tich
khéi hop twong tmg lai 16n nhat.

A. Hop hinh try c6 duong cao bang ban kinh day.

B. Hop hinh tru c¢6 dudng cao bang mot nira ban kinh ddy.
C. Hop hinh try c6 duong cao bang dudng kinh day.

D. Hop hinh try ¢6 dudng cao bang hai lan dudng kinh day.

Cau 46: Trong tit ca cac hinh chop tir gidc déu ndi tiép hinh cau ¢ ban kinh bang 9. Tinh thé tich ¥ cia
khéi chop c6 thé tich 16n nhat.
A. 1446 B. 144, C. 576. D. 5762

Cau 47: Trong doi song hang ngay, ta thuong gip rat nhiéu hop kiéu hinh try nhu: hop sira, lon nudc
ngot,... Can lam nhiing hop d6 (co niap) nhu thé nao dé tiét kiém duoc nguyén liéu ma thé tich
khéi hop twong mg lai 16n nhat.

A. Hop hinh try c6 dudng cao bang ban kinh day.

B. Hop hinh tru c6 duong cao bang mdt nira ban kinh day.

C. Hop hinh try c6 dudng cao bang dudng kinh ddy.

D. Hop hinh try c6 duong cao bang hai 1an dudng kinh day.
Loi giai

Chon C



P -

Goi &, r, S lan lugt 1a dudng cao, ban kinh va dién tich toan phan cua hinh try.

Tacod S =2xr*+2xrh= 27[ r +rh

472
2272'(7' +—+—j>2 z33r z—ﬂ_z 3

Thé tich khoi tru V=nr'h<

. Déu dang thirc xay ra khi > = rh S h=2r.
6’7 2

Cau 48: Trong tit ca cac hinh chép tir gidc déu ndi tiép hinh cau cé ban kinh bang 9. Tinh thé tich ¥ ctia
khéi chop c6 thé tich 16n nhat.
A. 144+6. B. 144. C. 576. D. 576v/2 .

Loi giai

Chon C

Goi () 1a mat cau c6 tam / vabankinh R=9.
Xét hinh chép tir giac déu S.ABCD c6 ddy ABCD 1a hinh vudng tim O, canh a

(0<a£9\/§).
2
Tacd 04 = Azc - a*f = O = I4> - 04 :1/81—%.

2
Mit khc ta lai c6 SO = SI + 10 :9+1/81—%.




2 2
Thé tich ctia khdi chép S.4BCD 1a V:%az [9+4/81—%J =34 +%a21/81—%. Pit a® =1,

do 0<a <92 nén 0<¢<162.Xét ham sb f(t):3t+%{‘/8l—é}véi 0<t<162 tacod

324-3t

fi(1)=3+ 2222
12,/81-~
2
Giai phuong trinh
t>108 t>108
f=0efsi-L=L ool 1, Velli=0 or=144.
2 12 8l——=| ——
12 t=144
Ta c6 bang bién thién
t 0 144 162
1) + 0 -
576

£ (1) T T

=576 khi t =144 hay a =12.
Vay thé tich 16n nhét ctia kh6i chop ndi tiép hinh cau cau c6 ban kinh bang 9 14 V = 576.

Tir bang bién thién ta co V.

CAu 49: Cho hinh tru c6 chiéu cao h = a\/g, ban kinh day r=a. Goi O, O’ lan luot 13 tAm cua hai
dudng tron day. Trén hai duong tron day lan lugt 1ay hai diém A, B sao cho hai duong thang

AB va OO' chéo nhau va goc giira hai duong thang 4B v6i OO’ bang 30°. Khoang cach
giita hai duong thang 4B va OO’ bang:

A. “\/g. B. a\3. C. “\/5. D. a6 .

2 = 2

Cau 50: Hai qua bong hinh cau c6 kich thudc khic nhau dugc dat ¢ hai goc ctia mot can nha hinh hop
chir nhat sao cho mdi qua bong déu tiép xtic v6i hai blrc tuong va nén cua nha do. Biét ring
trén bé mat cua qua bong déu ton tai mot diém co khoang cach dén hai buc tuong va nén nha
ma no tiép xuc bang 1; 2; 4. Tong do dai duong kinh cta hai qua bong d6 bang.

A. 6. B. 14. C. 12. D. 10.
CAu 51: Cho hinh tru c¢6 chiu cao h= a\/g, ban kinh ddy r=a. Goi O, O' lan luot la tim cua hai
duong tron day. Trén hai duong tron day lan lugt 1ay hai diém 4, B sao cho hai duong thang

AB va 0O’ chéo nhau va goc giira hai duong thing AB vdi OO’ bang 30°. Khoang cach
giita hai duong thang 4B va OO’ bang:

A. a*/g. B. a\3. C & D. a6 .

2 )
Loi gidi
Chon C



Gidstt A€(0), Be(0') va A’ 1a hinh chiéu vudng géc cua 4 1én mit phang chira (0').

—

Tacd AA'// 00" = (AA',00")=A'40.
Tam gidc ABA' vudngtai A’ ¢c6 A'B= AA'.tan30°=a = tam giac O'A'B 1a tam giac déu.

a3

=O0H = — v6i H 13 trung diém A'B.

A4' 1100’
Matkhac ¢ = d(4B, 00')=d(00',(4BA'))=d (0',(4B4"))
AA' < (ABA')
a {O,H 4 B, = O'H 1 (ABA') = O'H =d(0',(ABA')) :ﬂ'
O'H L A4 >

Viy d(4B, 00') = “\2/5 .

Céu 52: Hai qua bong hinh cdu c6 kich thudc khac nhau dugc dit & hai goc ctia mot can nha hinh hop
chir nhat sao cho mdi qua bong déu tiép xtic v6i hai blrc tuong va nén cua nha do. Biét ring
trén bé mat cua qua bong déu ton tai mot diém co khoang cach dén hai buc tuong va nén nha
ma no tiép xuc bang 1; 2; 4. Tong do dai duong kinh ctia hai qua bong d6 bang.

A. 6. B. 14. C. 12. D. 10.
Loi gidi

Chon B

Chon hé truc Oxyz nhu hinh v&. Mdi qua bong xem 1a mat cau tim / (a;b;c).

Vi mdi qua bong déu tiép xtic v6i hai blrc tuong va nén ciia nha nén chiing tiép xtic v6i ba mit
phing toa d6 < d([,(xOy)) = d([,(yOz)) :d(l,(sz)):R Sa=b=c>0 = (aa;a).



Goi M (x; V5 z) la diém nam trén qua bong c6 khoang cach dén hai buc tuong va nén nha ma

n6 tiép xtic bang 1; 2; 4 = M (1;2;4).

M nam trén qua bong khi IM = d(],(xOy)) =

o (a-1) +(a=2) +(a—4) =a* ©2d*~14a+21=0 (*).

Vi (*) co biét thirc A"=7>0 nén no c6 hai nghiém phéan biét a,, a, va a,+a,=7.
Khi d6 tong duong kinh cta hai qua béng 1a 2(a, +a,)=14.

Céu 53: Cho hinh chop tir giac déu S.ABCD c6 canh day bang «, dién tich mdi mit bén bang 2a>. Thé
tich khdi non cé dinh S va dudng tron ddy ngoai tiép hinh vuéng ABCD bang:

N N i Ji
_.Tﬂ'a. . 47Ta.

C. —ma’. D. —7a’.

Cau 54: Cho hinh chép tir giac déu S.ABCD c6 canh dy bang «, dién tich mdi mit bén bang 24”. Thé
tich khdi non cé dinh S va dudng tron ddy ngoai tiép hinh vuéng ABCD bang:
A. ﬁmf. B. i a. C. ﬁmf. D. ﬁﬂ'cf.
4 6
Loi giai
Chon A

+Goi I 1a tam cta hinh vuéng ABCD; M 1a trung diém cta AB.

+ Dién tich tam giac SAB bang 24’ nén ta co:
%AB.SM =2a’ & %.a.SM =2a> < SM =4a.

+ Tam gidc SIM vudng tai [ .

Taco: SI=+SM?* —IM? = ‘/

+ Ban kinh d4y ciia kh6inon 1a 14 =




2
+ Thé tich khéi nén: V:l<7TR2).SI :l 7r.a— .a\/@ :—771'613.
3 3 2 2 4

Cau 55: Hinh chép t& gidc S.ABCD c¢6 day ABCD la hinh vudng canh a. Tam gidc SAB vudng can tai
S va tam giac SCD déu. Tinh ban kinh mat cau ngoai tiép hinh chép S.ABCD .

A. R=2. E.R:a\/z. c. R="L. D.R:a\ﬁ.
2 12 NE) 4

Cau 56: Hinh chép t gidc S.ABCD c6 day ABCD |a hinh vuong canh a. Tam gidc S4B vudng can tai
S va tam gidc SCD déu. Tinh ban kinh mat ciu ngoai tiép hinh chép S.ABCD .

A.R=2. E.Rza/l. c. R="2L. D.R:a\ﬁ.
2 12 NE) 4

Lo gidi

M

Goi I, K lan luot 1a trung diém cua AB va CD, O 1a tam cua hinh vuong ABCD, H 1a hinh
chiéu cua S trén IK . Ta co:

AB 1L ST
AB 1 IK
SH 1 AB
SH 1 IK

Qua O dung duong thang song song voi SH cit SK tai J .
Mat khac ta co:

SI:%AB:E, SK =82 = SK? + S = a* = HK® = ASIK vudng & S = SK L (S4B).

} = AB L (SIK)

}:» SH 1 (ABCD).

3
2 2



Qua / dung dudng thiang song song véi SK cit OJ tai M . Khi d6, diém M 1a tAm cia mait
cau ngoai tiép hinh chop S.ABCD .

Theo cach dung ¢ trén thi tir gidc [JKM 1a hinh binh hanh= MB = JB.

Lai co: tan@:?—é:i = JO = OK .tan OKJ = ——.

NG) 23

2
= JB*=JO*+0B* =—— :JBza,/l.
2 12

Viay ban kinh mit cau ngoai tiép hinh chop bang a, /% .

Cau 57: Mot chau nudce hinh ban cau bang nhom c6 ban kinh R = IO(cm). Trong chau co6 chua san mot
khoi nude hinh chdm cau ¢6 chiéu cao & =4(cm). Ngudi ta bé vao chdu mot vién bi hinh cau

bang kim loai thi mit nuéc dang 1én vira phu kin vién bi. Tinh ban kinh cua vién bi (két qua
1am tron dén 2 chit sb 1¢ thap phén).

A. 3,24(cm). B. 2,09(cm). C. 4,28(cm). D. 4,03(cm).

Cau 58: Cit mot khéi tru cao 18cm bdi mot mat phéng, ta duoc khdi hinh dudi day. Biét ré'mg thiét dién
la mét elip, khoang céach tur diém thuoc thiét dién gén day nhét va diém thudc thiét dién xa mat
day nhét lan luot 1 8cm va 14cm . Tinh ti s6 thé tich ctia hai khdi duoc chia ra (khbi nho chia

khéi 16m).
8
NS B. 1 el L.
11 2 11 11

CAu 59: M6t chiu nude hinh ban cau béng nhom co6 ban kinh R = IO(cm) . Trong chu cé chira sin mot
khdi nude hinh chdm cau c6 chiéu cao i = 4(cm). Nguoi ta bo vao chdu mot vién bi hinh cAu

bang kim loai thi mit nudc dang 1én vira pha kin vién bi. Tinh ban kinh ciia vién bi (két qua
lam tron dén 2 chit s6 1é thap phén).



A. 3,24(cm). B. 2,09(cm). C. 4,28(cm). D. 4,03(cm).

Loi giai
Chon B
Thé tich phan nude co trong chau nude 1a V = 7.h* (R —%) = #
Goi r 1a ban kinh cta vién bi. Khi d6 chiéu cao ctia muc nudc trong chau la 2r. (r < 5) .
Tir gidi thiét dé bai, ta c6 07 +§7z.r3 = x.(2r) .(10 —%J
~ 2,09

©ﬁ+ir3:40r2—§r3<:> d . Vay r=2,09.

3 3 3 r=9,62

Cau 60: Cit mot khdi try cao 18cm bdi mot mit phang, ta dugc khdi hinh dudi dy. Biét rang thiét dién
12 mot elip, khoang cach tir diém thudc thiét dién gan day nhat va diém thudc thiét dién xa mat
day nhét lan luot 1 8cm va 14cm . Tinh ti s6 thé tich ctia hai khdi duoc chia ra (khbi nho chia

khéi 16n).
/’ - N
7 y N
e
/
/
14
8
/’— \\\w
AL B. L c.> Q.l
11 2 11 11
Loi giai
Chon D

Goi V;, ¥, lan luot 1a thé tich khdi nho va khéi 16n.
Ta c6 thé tich khdi trula ¥ = z.R*.18 (véi R 14 ban kinh khdi tru).

7R (8+14)

Thé tich ¥, = =11zR".

. V. V-V, 18zR*-11zR* 7
Vay —= = > =—.
v, v, 117zR 11



Cau 61: Khi san xuét v6 lon sira bo hinh tru, cac nha thiét ké luon dit muc tiéu sao cho chi phi nguyén
liéu 1am vé lon 14 it nhét, tic 1a dién tich toan ph?m cta hinh tru 12 nho nhat. Mudn thé tich khdi
try 6 bang 2 va dién tich toan phan hinh try nhé nhét thi ban kinh dy bang bao nhiéu?

2 1 2 2
A, —. B. —. C. —. D. —.
3/; - 3/; T 2z

Cau 62: Khi san xuat vo lon sita bd hinh try, cic nha thiét ké luén dit muc tiéu sao cho chi phi nguyén
liéu 1am vo lon 14 it nhét, tirc 13 dién tich toan phan cua hinh try 13 nhé nhat. Mudn thé tich khoi
try d6 bang 2 va dién tich toan phan hinh try nho nhat thi ban kinh day bang bao nhiéu?

A= B. . c.z. D. =
I I T 27
Loi giai
Chon B

Ta co V=7zr2h=2:>h=i2
r

Dién tich toan ph?m cuahinhtrula S, =2zrh+ wrt =2xr

S :i+2m’2.233 %.2.27rr2 :63/;
vy ror

MinS, =637 khi Z=277> = r = iﬁ
r

T

+7r?

2
nr

Cau 63: Cho tam giac ABCc6 AB=3, BC =5, CA="7. Tinh thé tich khéi tron xoay do tam giac ABC
sinh ra khi quay tam giac 4BC quanh duong thang AB .
AT B.507. c.127 p.2P"

4 8 8

Cau 64: Cho hinh nén dinh N, day 1a hinh tron tim O, goc & dinh 120°. Trén duong tron day ldy mot
diém 4 cb dinh va mot diém M di dong. Goi S 1a dién tich cua tam giac NAM . Co6 bao nhiéu
vitricia M dé S dat gia tri 16n nhat?
A. Vb sb i tri. B. Hai vi tri. C. Ba vi tri. D. Mot vi tri.

Cau 65: Cho tam giac ABCc6 AB=3, BC=5, CA=7. Tinh thé tich khéi tron xoay do tam giac ABC
sinh ra khi quay tam giac 4ABC quanh duong thang AB .

AT B.507. c.17 p.2%
4 8 8
Loi gidi
Chon A
A
7
3
B 5
HO C
. AB+BC+AC . .. 153
Goi p=——"—"— khi do6 ta co: SAABC=\/p(p—AB)(p—BC)(p—AC)=—.

4



Goi H la chan duong cao ké tr C, khido: S, =%CH.AB suy ra CH = 23%“ = %
Goi V' 1a thé tich can tinh.

v, 1a thé tich khdi non khi quay tam giac AHC quanh AH .

v, la thé tich khdi non khi quay tam giac BHC quanh AH .

Taco V=V, -V, = %AH.CHzﬂ —%BH.CH% = ; CH?.(AH - BH) r = 5CH2 ABx

757z

Cau 66: Cho hinh nén dinh N, day 1a hinh tron tim O, goc & dinh 120°. Trén duong tron day ldy mot
diém 4 cb dinh va mot diém M di dong. Goi S 1a dién tich cua tam gidc NAM . Co6 bao nhiéu
vitricua M dé S dat gia tri 16n nhat?

A. Vo sb i tri. B. Hai vi tri. C. Ba vi tri. D. Mot vi tri.
Loi giai
Chon D
N
4 & I\
M

Goi [ (/>0) la do dai duong sinh cua hinh non.
Vi géc & dinh bang 120° nén ANO=60°. Ta co6 ban kinh dudng tron day la

l\/—

OA = NA.sin ANO [.sin 60° =

Vi hinh nén da cho ¢6 goc & dinh 13 120° nén 0°< ANM <120°.

Tacod S :%.NA.NM.sinm :%zz.smm .

Dién tich S 16n nhat khi va chi khi sin ANM 16n nhat < sin ANM =1 < ANM =90° < Tam
gidc ANM vudng can tai N . Khi d6 AM =/\2 . Ma 4 c¢6 dinh nén M nam trén duong tron
(A;Z\/E )
Mit khac M nam trén duong tron day O;T nén M la giao diém ciia duong tron (A;I\/E )
va duong tron ddy. D& thdy hai duong tron nay cat nhau tai hai diém phan biét.
Vay ¢6 hai vi tri diém M .

Cau 67: Cho hinh nén dinh S . Xét hinh chop S.ABC c6 ddy ABC la tam giac ngoai tiép duong tron day
cua hinh nén va 4B =BC=10a, AC=12a, gbc tao bdi hai mat phéng (SAB) va (ABC)

bang 45°. Thé tich khdi nén di cho bang,
A. 9ra’. B. 277a’. C.127a’. D. 37a’.



Cau 68: Cho hinh nén dinh S . Xét hinh chép S.ABC c6 ddy ABC 1a tam giac ngoai tiép duong tron day
cua hinh nén va AB=BC=10a, AC =12a, gbc tao bdi hai mat phéng (SAB) va (ABC)
bang 45°. Thé tich khéi nén di cho bang.

A. 9ra’. B. 277a’. C.127a’. D. 37a’.
Loi giai

Chon A

Ta co AB+ACHBC =16a nén ban kinh dudng tron noi tiép tam giac ABC 1a

r:a\/(16—10)(16—10)(16—12) 3,

16
Goi I 1a tAm ctia duong tron ndi tiép tam giac ddy 4BC, M 1a hinh chiéu vudng goc cia [
trén AB khi d6 goc giira hai mit phing (SAB) va (ABC ) bang SMI = 45° suy ra
ASIM vuong can tai I nén SI =IM =3a.
Thé tich khoi nén da cho bang V' = %7?(361)2 3a =97a’.

Cau 69: Cho tir dién déu ABCD canh bang a. Goi H la hinh chiéu vuong goc ciia A trén mit phang
(BCD) va ] latrung diém cia AH . Tinh ban kinh R ctia mat cau ngoai tiép tir dién IBCD .
a6 a3 a6 b R a3

A. R="22 B. R="2 C.R="2 LR=22
4 4 2 2

Cau 70: Cho tir dién déu ABCD canh bang a. Goi H la hinh chiéu vudng goc ciia A trén mit phang
(BCD) va ] latrung diém ctia AH . Tinh ban kinh R ctia mat cau ngoai tiép tir dién IBCD .

A.R:"f. B.R:af. C.R:"f. D.R:af.

Huéng din giai

Chon A



T dién déu ABCD canh bang a nén AH =+ AB* —BH* = |d* —[

a 3}2 ax/g‘

a2

I 1a trung diém cta 4H nén Bl = IH* + BH* = =

a2
2

Do leAH = IB=IC=ID=

nén 1.BCD 1a hinh chép tam gic déu. Do d6 ban kinh R

2
clia mit cau ngoai tiép tor dién IBCD 1a R = L = a6 .
2IH 4




Cau 1: (THPT Chuyén Thai Binh-lan 1-nam 2017-2018) M{t hinh try c¢6 ban kinh ddy »=5cm va
khoang cach giita hai day 4 =7 cm. Cat khéi tru boi mot mit phang song song véi truc va cach
truc 3cm. Dién tich cta thiét dién dugc tao thanh la:

A. §=56(cm’). B. §=55(cm’). C. §=53(cm’). D. §=46(cm’).
Loi giai

Chon A

Goi 0,0’ la tdm cua hai day cta hinh tru va (P) 1a mit phang song song v&i truc va cach truc

00" mét khoang 3cm .

Mp(P) cét hai hinh tron day (0),(O') theo hai day cung lan luot 1a 4B,CD va cit mit xung

quanh theo hai duong sinh 1a 4D, BC . Khi d6 ABCD la hinh chir nhat.

B

Goi H 1a trung diém cta AB.Tacd OH L AB;OH 1 AD = OH 1 (ABCD)
=d(00',(P))=d(0.,(4BCD))=0H =3cm.

Khi d6: AB =24H =23JO4* —OH?> =2/5* -3 =8: AD=00"'=h="7cm.
Dién tich hinh chit nhat ABCD 1a: S ., = AB.AD = 56(cm2) )
Ciu 2: (THPT Chuyén Thai Binh-lan 1-niam 2017-2018) Mot tam kém hinh vuong ABCD c6 canh

bang 30 cm . Nguoi ta gip tam kém theo hai canh EF va GH cho dén khi AD va BC tring
nhau nhu hinh v& bén dé dugc mot hinh ling try khuyét hai day.

A E G B E G
A|B
F H )
D»———xf——» o--y--o C F \/ H
[ °
30 cm D= cC
Gia tri cia x dé thé tich khi lang try 16n nhét la:
A. x=5(cm). B. x=9(cm). C. x=8(cm). D. x=10(cm).
Loi giai

Chon D



E 30-2x G

7 P
X X
A
Puong cao ling tru 1a 4D = AB = 30cm khong doi. Dé thé tich lang try 16n nhét chi can dién

tich day 1on nhat.
Goi [ 1a trung diém canh EG = AI 1 EG trong tam giac AEG .
Khido IG=15-x, (0<x<15)

o A1=\/ : (30 2’“) ~(15-x)" =/30x— 225xe(— 15)
Suupe = ;AIEG——(30 2x)\/30x-225 =15,/(15-x)’ (2x~15)

Viy ta can tim xe(— lSj ):(15—x)2(2x—15) 16n nhat.

x=15

f'(x)=-2(15-x)(2x-15)+2(15-x)’ :2(15—x)(30—3x)=0@[x:10.

Béng bién thién:

x — 10 15

Viy thé tich lang try 16n nhat khi x =10,
Ciach khac (tric nghiém): Hoc sinh c6 thé thay gia tri cua ting dap an viao ham sd

x)=(15-x) (2x—15) dé c6 két qua.
f(x)=(15-x)( ) q

Cau 3: (TT Diéu Hién-Cin Tho-thang 11-nim 2017-2018) Khéi cau ndi tiép hinh tir dién déu c6 canh
bang a thi thé tich khéi cau la:
3 3 3 3
A.a”\/g. B.a”\/g. C.a”\/g. D.a”\/g.
- 216 144 96 124
Loi gidi

Chon A



Goi H la trong tam tam giac BCD va G 1a tam mat cau nodi tiép tir dién ABCD .
Khi @6 ban kinh mit cau ndi tiép t dién 4BCD la:
r=d(G,(4BC)) =d(G,(BCD)) =d(G,(ACD)) =d(G.(4BD)).

1 .
Ta c6: ¥y pop = 3-S,00d (G.(BCD)) = d (G.(BCD)) = 3V
BCD
Ma Vesco =Vo.asc =Ve.480 =Vo.4c0 (vi Spep =Supe =Sapp = SACD)'
. , 1
Mat khac V; pop + V5 a5c Va0 T Vouco =Vaseo = Vosen = ZVABCD .
BH = \/7 : AH =N AB* -BH* =
1 a*VJ3 a\/g a%/E 1 a%/i
VABCD :§~ 4 3 = 12 = VGABCD :ZVABCD :W'
3 a2
= r=d(G.(BCD)) = 2Lasco - 48 a6,
Sucn a3 12
4
3
Vay thé tich khdi cau noi tiép tt dién la: ¥ = %;zﬁ =2 2”1 \6/3 .

cau 4: (THPT Chuyén Vinh Phtic-1an 2-nam 2017-2018) Cho dudng tron tdm O c6 duong kinh AB =2a
nam trong mat phang (P) Goi I 13 diém d6i xtirng v&i O qua A. Lay diém S sao cho ST J_(P) va
ST =2a. Tinh bén kinh R mét cau di qua duwdng tron d3 cho va diém S.

a~ 65 a~ 65 a~ 65 Ta

. B. R= . C.R= . . .

4 16 2 4
Lo gidi

A.R=

Chon A
SI < (S4B)

Nhan xét: {SI e (SAB) L(P).



Cau5:

Mit khéc: (SAB) chira dudng kinh ciia dudng tron tim O nén (SAB) cét mit cau theo giao

tuyén la duong tron 16n di qua ba diém S, 4, B.
Do d6 tdm ciia mit cau ciing chinh 1a tim duong tron ngoai tiép ASAB.
X

Wrco

Céch 1: Trong mit phing (SAB), chon h¢ truc Oxy sao cho I(0;0); A(a; 0); B(3a; 0);

S(0; 2a).

Ta cé tim H cua duong tron ngoai tiép tam gidc SAB cb toa do thoa man hé phuong trinh
{AEBE@{(x—a)Z vy =(e3a) 4y x=2a

AE = SE 2, 2 2 _4a DH(M;T)'

= (x—a) +y =x +(y—2a) y—z
c 37 - A <2 1, , a~ 65
Khi d6 médt cau quaba diém S, 4, B c6 ban kinh R = AF = 1

Ciach 2: Xét ASAB ¢6 AB=2a, SA=~SI* +14* =a /5, SB=~/SI* +IB*> =a/13.

s, Vg g SASBAB _ o SASB_ a5a\13 _ a\65
2 4R 281 224 4

Ciach 3: Goi miat cau tim H qua dudng tron tim O va diém S . Khi d6 ta c6 tir gidc HOIS la
hinh thang vudng tai O va [ .
Tacd SI =0l =2a=204.Goi R=HA=HS = HB 1a ban kinh mjt ciu can tim.

HA = HO* + 04> = x* +d*

HS =NHK? +SK* =/(2a—x)’ +4d’
Vi H4 = HS nén «/(Za—x)z+4a2 =vx’+a’ :>x=iTa.

a~ 65
.

Ké HK 1 SI (K eSI),dat HO=x=KI (x>0) =

. Ta ? )
VayR:HA: T +a” =

HET (THPT Nguyén Khuyén-TPHCM-
nam 2017-2018) Cho hinh tru ding cé hai day la hai dwdng tron tdm O va tdm O', ban kinh bang a,
chiéu cao hinh try bang 2a. Mat phdng di qua trung diém OO’ va tao véi OO’ mét géc 30°, cat
duong tron day tam O theo day cung AB . D dai doan AB la:



2a NE) 5 2.6

Chon D

Goi M, N lan luot 1a trung diém ciia OO' va AB.
Ta c6 (00';(ABM ) =(00'; MN ) = OMN =30°.

B3

Tam gidc OMN vudng tai O c6 ON =tan OMN.OM < ON = tan30°.a = aT.

2

AB =2NB = 27JOB* —ON* =2,/ —“? - 2*/36“

Cau 6: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho mét cau duding kinh 4B = 2R . Mt phéng
(P) vudng géc AB tai I (I thudc doan AB ), cat mit cau theo dudng tron (C) .Tinh h = Al theo

R d& hinh nén dinh A, day la hinh tron (C) c6 thé tich I6n nhat?

A h=R. B.hzﬁ. Ch=—. D. h=—-.

W
W
W

Chon C



[phwong phap tu luin]
Goi O la trung diém AB, M 1a diém bét ki trén dudng tron (C).

Tacod IM =NOM?* —OI* =|R* —(h—R)’ =2Rh—h*.

Thé tich hinh nén: ¥ = 1.A1.S(C) = l.h.;z.(th -1).
3 3

it f(h)=§(2Rh2—h3). (R 1a tham s8). Tap xéc dinh D =[0;2R].
Vs 4R
(h)=Z(4Rh-31*); f'(h)=0e h=".
()= ): /(k) 3

£(0)=0; f(R):%.R% f(?j:?’;—fR3.Vayhémsé £ (h) dat gié tri 16n nhat khi h:%.
OV . 4R
Hay thé tich hinh nén 16n nhat dat khi hz?.

[phwong phap tric nghiém)] v
Thyce hién tuong tu phuong phap tu luén, tinh dugc thé tich hinh nén:

1 1 .
V=3 ALS ¢ = g.h.7z.(2Rh -1?).

Cho R =1, nhép thé tich: %.E.X .(2X -X’ ) . CALC bbn dép an v6i R =1, dwoc dép an C cho gia tri 16n

nhat.
Cau 7: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Trong tat c hinh chép tam gidc déu ndi tiép mat
cau ban kinh bing 6, thé tich 1&6n nhat cta khéi chop la:

AV =323 B. V. =643 C.V,.  =724/3. D. V. =8143.

Loi giai:
Chon B



Goi S.4BC 1a hinh chop tam gidc déu noi tiép mit cau tim O. Goi H 1a hinh chiéu cta S trén (ABC )
Gia sir thé tich hinh chép dat 16n nhat khi # nam giita S va O, khl do, lay d6i xtmg 4, B, C quamat
phang vudng goc v6i SH tai O ta dugc hinh chop S.4'B'C’ ndi tiép mit cau va c6 thé t1ch lon hon hinh
chop S.4BC.

bat OH =x, (0<x<6).

C6 HB =6 —x* <> AC = HB\[3 =/108—3x . Ta dugc S, =
V3.(108-32%) 3

4 _4'(

V3.(108-3x?)

4

Thé tich hinh chop V:%(x+6). x3—6x2+36x+216).


















(THPT Chuyén Hung Vwong-Binh Phudc-lan 2-nam 2017-2018) Cho mat tru (7) va mot

diém g cb dinh nim bén ngoai (T). Mot duong thing A thay ddi ludn di qua § va ludn cat




(T) tai hai diém 4, B (4, B co thé tring nhau). Goi )y 14 trung diém cta doan thang 4p.
Tap hop cac diém 37 1a

A. Mot phan mit phing di qua S . B. Mot phan mit cau di qua S .
C. Mot ph?m mat néon c6 dinh 1a S'. D. Mot ph?m mat tru.
Loi giai
Chon D
OI
L4 |
/\J ::::&S};:: *\-i:éﬁ.
EEEES <
U DS
i A B
S e
//” i _______ _\_\_\_{I
0
\ d/

Goi mit phing (P) chita S va vudng goc vai truc 00’ cit 00’ tai S', cét tru (T)theo giao
tuyén 1a mot dudng tron (C) tm S’ song song véi ddy. Puong thing A thay doi di qua S va
luén cét (T) tai hai diém A, B (A, B c6 thé trung nhau), M 1a trung diém ciia doan thang
AB . Goi A', B', M' lan luot 1a hinh chiéu cia 4, B, M xubng mit phang (P). Taco 4,
B déu thudc dudng tron (C); 44'//BB'//O0", MM'//O0". Vi M la trung diém cua doan
thang AB nén M' ciing la trung diém ciia A'B’ khi d6 S'M' L A'B'. Mat khac S, A4', B,
M’ thang hang (ciing nam trén giao tuyén ctia mat phang chita S, AA4', BB’ vudng goc voi
mit phing (P)) nén tam gidc SS'M' luén vudng tai M’ hay M’ thudc dudng tron duong kinh
SS’

Suy ra M nam trén mot phan mit try duong kinh déy bang SS’ khong d6i, c6 truc song song
00’ va di qua trung diém cta SS’.

Cau 9: (THPT Chuyén Lam-Thanh Héa-Ian 1-nim 2017-2018) Tinh thé tich ¥ ctia khéi cau tiép xtic
véi tat ca cac canh cua tir dién déu ABCD canh béng 1.

NELY 8.y N2 ¢y o,y - 327
24 12 8 3
Loi giai

AV

Chon A



Goi 7 13 tAm mit cau ngoai tiép ttr dién déu ABCD . Ta co cac tam giac can IAD, IAB, IAC,

IBD, IBC, ICD bang nhau nén khoang cach tir / dén cac canh cua tir dién déu ciing bang

nhau.

Ta dugc tAm mit cau tiép xtic voi tat ca cac canh cua ttr dién trung voi 1 .

Ta cod HA:E, HD:‘/l—l :ﬁ.
3 3 3

Tir hai tam gidc DMI va DHA dong dang, ta duoc:

ML_DM . AHDM 31 3 2

AH DH DH 3 246 4°

2z

Y

Cau 10: (THPT C8 Loa-Ha N¢i-lan 1-nawm-2018) Mot khiic gd co dang khéi nén co ban kinh ddy
r =30 cm, chi€u cao £ =120 cm. Anh thg mdc ché tac khic go d6 thanh mdt khiic g6 c6 dang
khéi try nhu hinh v&. Goi ¥ 1a thé tich 16n nhat cua khiic gb dang khéi tru c6 thé ché tac dugc.
Tinh V.

R 47 - A <A I re LA 5 y 5 ’ [N 4
The tich mét cau tiép xtic vdi tat ca cac canh cua tir dién: V = gﬂ'.R3 =

——————

A V=016r(m*').  B.¥=0,024z(m’). C.V=0,36r(m'). D.V=0,0167(m’).
Loi giai
Chon D

Goi x la chiéu cao cta khtc gb hinh khéi tru, R khuc gd hinh khéi tru can tim. O 1a dinh cla hinh
nén, I la tdm cha day hinh nén, J la tdm clda day hinh try va khiac 1. OA4 la mét dwong sinh cla

. , R h- r(h—x
hinh nén, B |a diém chung cta OA véi khdi try. Tacé — :Tx: R =¥.
r



2
Thé tich kh&i trula ¥ = 7x.R* = 7x.—(h—x)’

2
Xét ham s6 V(x) :ﬂx.%(h—x)2, O<x<h.

2
Tacd V'(x)z;r%(h—x)(h—3x)=0<:>ng hay x=4.

Bang bién thién

X 0 ﬁ h
3
V'(x) + 0 - 0
Axr*h
V(x) 27
0/ \0

Dwa vao BBT, ta thay thé tich khoi tru I&n nhat khi chiéu cao clia khéi trula x = E =40 cm;

- 4rrh B 4.7.30%.120
max 27 7
Ciu 11: HET (THTT S6 3-486 thang 12 nam 2017-2018) Trong t4t c cac khéi chop tir gidc déu

ngoai ti€p mat cau ban kinh bang a, thé tich V' cla kh&i chép cé thé tich nhé nhat.

=160007z(cm3) =O,0167r(m3) .

8a’ _ 10a°

A.VzT. B.V C.V=2d. D. V=

3 3
Loi giai

Chon D

M
Gia stt SO =x ta co: Slzx—a;SEzwl(x—a)z—a2 =~/x* —2ax
SE IE :>N0:IE‘SO ax

Xét ASE] -~ ASON tacd: —=—
SO NO

2 2.2
Thé tich khdi chép 1a V=1x.[ Zax j __dax
3 \/x2—2ax 3(x—2a)

2
X

Xétham so f(x)= (0<2a<x)

x—2a



x> —4dax

f'(x)=——; f’(x)=0<:>x=4a (do 0<2a<x)
(x—2a)
Bang bién thién
X 2a 4a +00
f'(x) - 0 +
f(x) ‘K’O\) . / +00

3
Vay gid tri nho nhét cta thé tich 1a ¥ = > 23“ .

Ciu 12: (THPT Chuyén Lé Hong Phong-Nam Dinh-lan 2 nidm 2017-2018) Ban dau ta c6 mot tam giac
déu canh bang 3 (hinh 1). Ti€p d6 ta chia mdi canh cla tam giac thanh 3 doan bing nhau va thay méi
doan & giita bang hai doan bang né sao cho chiing tao véi doan bd di mot tam gidc déu vé phia bén
ngoai ta dwoc hinh 2. Khi quay hinh 2 xung quanh truc d ta dwgc mot khdi tron xoay. Tinh thé tich

khai tron xoay dé.

N,

Hinh 1 Hinh 2

A. 5”3*/5. B. 9”8\/5. C. 5”6*/5. D. 5”2\/5.

Loi giai

Chon A



Ta c6 thé tich khdi tron xoay tao thanh bang 2 1an thé tich nira trén khi cho hinh SIABK quay
quanh truc SK .

Tam gidc SIH quay quanh truc SK tao thanh khdi nén co rn=IH= %; h =SH = ?
Thé tich khéi nén nay béng v, = l7zr12h1 = lﬂ'lﬁ = &
3 3 42 24

Hinh thang vuéng HABK quay quanh truc HK tao thanh hinh nén cut c6 R = AH = %;

V3

Thé tich khbi non cut nay bang V, =7[—h.(R2 +7° +R.r) =1_£ 2_,_1_,_3 - 1973
3 3 2 2 24

5

W
3

Suy ra thé tich khi tron xoay da cho bang V =2 (V,+V,)=

w ‘



Ciu 1: (THPT Chuyén Lwong Van Tuy-Ninh Binh [an 1 nam 2017-2018) Cho hinh t& dién 4BCD
c6 AD 1 (ABC), ABC la tam giac vudng tai B. Biét BC=a, AB=a3, AD=3a. Quay

cac tam gidc ABC va ABD (Bao gdm ca diém bén trong 2 tam giac) xung quanh dudng thing
AB ta dugc 2 khdi tron xoay. Thé tich phan chung ctia 2 khdi tron xoay d6 bang

3x/§7za3 8x/§7za3 5x/§7za3 4\/§7m3

A. . B. . C. . D. .

= 16 3 16 16
Loi giai

Chon A

Khi quay tam gidc ABD quanh AB ta dugc khdi non dinh B ¢ duong cao BA , day la duong
tron ban kinh AE =3 cm. Goi I = ACNBE, IH 1| AB tai H.Phan chung cua 2 khéi non khi
quay tam giac ABC va tam giaic ABD quanh AB 1a 2 khéinén dinh A va dinh B c6 day la
duong tron ban kinh /H .

Ta cb6 AIBC ddong dang véi AIEA = 1€_BC_ 1 s,
I4 AE 3
Mit khac 1H/BC =20 M _ AL 3y 3pc_34,
AB BC AC 4 4 4
Goi V, V, lan luot 1a thé tich cua khdi non dinh 4 va B ¢6 day 1a hinh tron tam H
Vv, = %ﬁ.IHz.AH :
1 2
v, Zgﬂ'.IH .BH .

7 94* \/5 :V:3a3\/§

SV=V+V, >V =2u0 4B =V =2"4
3 3716 16

Ciu 2: (THPT Chuyén Luwong Vin Tuy-Ninh Binh Ian 1 nam 2017-2018) C6 4 vién bi hinh cau c6
ban kinh bang 1 cm. Nguoi ta ddt 3 vién bi tiép xtc nhau va cung tiép xtc v6i mit ban. Sau d6
dai chat 3 vién bi do6 lai va dat 1 vién bi thir 4 tiép xuc voi ca 3 vién bi trén nhu hinh v€ dudi
day

iL




Goi O la diém thudc bé mit caa vién bi thir tu ¢ khoang cach dén mat ban 1a 16n nhat.
Khoang cach tir O dén mat ban bang

6+26 7 3426 4J6

A. . B.

Nhén xét: TAm A, tdm B, tdm C, tim L cua bon mit cau 1ap thanh 1 ti&r dién déu canh béng
2 cm. Tuc 13, to dién LABC déu canh bﬁng 2 cm.

223 23

Trong tam giac déu ABC, c6 KC :ET :T

2
Trong tam giac vuéng LKC, c6 LK =~/LC* —KC? = |2 —{ﬁJ =£

3 3
Khoang cach tir O dén mit ban bang d , v6i d:OL+LK+KH:1+2\3{g+1: 6+§£.

Ciu 3: [2H2 - 3] (THPT Chuyén Lwong Van Tuy-Ninh Binh 1an 1 ndm 2017-2018) Cho hinh chop
S.ABCD ¢6 ABC = ADC =90°, canh bén SA vudng goc véi (ABCD), goc tao bdi SC va

2

ddy ABCD bing 60°, CD =a vi tam gisc ADC co dién tich bing £ . Di¢n tich mat cau
S, . ngoai tiép hinh chép S.4BCD la
A. S =16xa’. B. S, =4ra’. C.S, =32rna’. D. S, =8ra’.

Loi giai
Chon A



Gid thiét: SA L (ABCD) = AC la hinh chiéu cua SC 1én (4BCD).

Do dé: (SC,(4BCD)) = (SC.4C) = SCA = 60°.

& AD =a\3.

2
Xét tam gide ADC vuéng tai D, dién tich S, . :%AD.DC =Z 2‘5
2
Khi dé: AC =+/AD* + DC? :J(mﬁ) +a* =

ASAC vudngtai A4, ta co: tan SAC =% = S4 = AC.tan 60° :2ax/§.

Goi / 1a trung diém SC (1), H 1a trung diém AC.
Khi d6 IH // SA=> IH 1 (ABCD).

T gidc ABCD c6 D=B= 90°, H la trung diém AC nén H la tim duong tron ngoai tiép tir
gidc ABCD. Suyra [A=IB=1IC=1ID (2).
Tur (1) va (2) suyra / 1a tim mit cau ngoai tiép hinh chép S.4BCD .

Bankmhmatcau R——SC——\/4a +12a* =2a.

Dién tich mit cau: S = 47rR2 =167a*.

Ciu 4: [2H2 - 2] (THPT Chuyén Lwong Van Tuy-Ninh Binh lan 1 ndm 2017-2018) Trong khong

gian mit cau (S) tiép xtc voi 6 mit ciia mot hinh 1ap phuong canh a, thé tich khdi cau (S)

bang
ra’ B ra’ C ra’ D 4ra’
YR F3 € FT3
Loi giai

Chon B



By <
L el
L T T —— .
.....i.
I

B .C
Goi [ latam hinh 1ap phuong, J 1a tdm ciia mot mat bét ki.

) 4 ’ - A < A /. 1t LA 5 7 - 5 1 A 1
Ta c6 ban kinh mat cau ti€p xuc voi tat ca cac mét cua hinh lap phuong: IJ = Ea .

3 3
Thé tich khéi cdu (S): ¥ %n.lﬁ :%.;z.(gj Sy




CAu 5: (THPT Doan Thuong-Hai Duwong-lan 2 nam 2017-2018) Cho khdi chop S.4BCD c6 day la

Cau

hinh vuéng, tam giac S4B déu va nam trong mit phang vudng goc véi day. Mit cau ngoai tiép

khéi chép S.ABCD c6 dién tich 847z(cm2). Khoang cach giita hai dudng thang S4va BD.

A. 2—\/5 (cm). B. @(cm). C. @ (cm). D. 621 (cm).
7 7 7 7
Loi giai
Chon D

E®

Goi M la trung diém ABva G 1a tim dudng tron ngoai tiép tam gidc déu SAB, O 1a tAm cia
hinh vuéng ABCD. Tac6 OM L (SAB). Dung truc ciia hinh vuéng ABCD va tryc tam giac

SAB , khi d6 ching dong phang va cat nhau tai / tirc 1a O, GI 1a cac tryc hinh vuong ABCD
va tryc tam giac SAB .

Ban kinh mit cau la R =SI. Tacod 47R* = 847z(cm2) < R= \/ﬁ(cm). bat AB=x (cm)
.y A ’ 2 2 2 , X X\/g \
Trong tam giac vudng SGI tacod SI° =SG™ +GI (1) ,taco GI = 5 SG = = thay vao (1)

tinh dugc x=6.

Duyng hinh binh hanh ABDE . Khodng céch d giita BD va SA 1a d =d (BD,(SAE))
d =d(B.(SAE)) =2d (M ,(SAE)).Ké MK L AE tac6 (SAE) L (SMK).

SM .MK x\f x[ 3\/5
d\{M,(SAE))=d (M ,SK) = ——— (2). TacéO SM =—— —3\/5 MK =——
Thay céc gié tri vao (2) tinh duoc d(M,(SAE)) :@.
6f

Vay khoéang cach gitra S4 va BD la ——

(THPT Lwong Thé Vinh-Ha N6i nam 2017-2018) Cho hinh chép S.4BC c¢6
S4=SB=S8C=2a va tam gidsc ABC c6 goc A bang 120° va BC =2qa. Tinh ban kinh mit
cau ngoai tiép hinh chop theo .



A

Goi / 1a tim duong tron ngoai tiép AABC. Do SA=SB=SC néntacd SI L (ABC ) .
Goi K 1a trung diém ctia SA. Goi OK 1a duong trung truc cia S4 va O e SI.
Khi d6 O 13 tAm cta mit cau ngoai tiép hinh chop S. 4BC .

Ta ¢6: S, 45 :%AB.AC.sinA va s, = ABACBC.

414
Suy ra: L AB.ACsin1200 = AB:AC2a 0 da 2ay3
2 414 4.sin120° 3
2
Ta co: SI =~/SA> — 14> =, |4d> —4% - 2“;/8 .
2 2
Do ASKO # ASIA nén Sk =50 o g0 5K54 54" _ 4a =“\/€.
SI  SA SISt 2006 2
"3

Cau 7: (THPT Lwong Thé Vinh-Ha N§i nam 2017-2018) Cho hinh tru ¢6 day la hai duong tron tim O
va O', ban kinh d4y bang chiéu cao va bang 2a. Trén dudng tron day co tim O lay diém 4,
trén duong tron tim O’ liy diém B . Dit o 1a goc giita AB va day. Biét rang thé tich khoi tir
dién OO'AB dat gia tri 16n nhét. Khéng dinh nao sau day dung?

A. tana=+/2. B. tana:L. C. tana:%. D. tana =1.

2
Loi giai
Chon B



N
\
N \
\
\
of
\
UE\—/

Goi A’ 1a hinh chiéu ciia 4 1én mit phang chira dudng tron tam O’ .

Goi B’ 1a hinh chiéu ciia B 1én mit phang chira dudng tron tdm O.

Goi R la ban kinh cua duong tron tdm O, suy ra: R=2a.Tacod: a = BAB'.
Suy ra: AB'=2Rtana . Goi I la trung diém ctia AB' = OI L AB'.

Ta c6: O =\OB? —IB” =\JR* - R*tan’ & = R\ —tan’ «x .

1 1
Va: S,» :EOI.AB’ ZER. 1-tan’ @.2Rtan = R’ tana.v/1-tan” o .

Suy ra: V., =§V0AB,'O,A,B =%OO’.SAOAB, =%.2R.R2 tana.N1-tan’ o .

Ta co: V,,,,, dat gid tri 16n nhét khi va chi khi tan @.v/I—tan® @ dat gié tri 16n nhét.
t(-t) 1-2¢

Xéthamsé f(t)=tA1-1> v6i te[-1;1] 6 f'(t)=~1-1* +— = v6i te(-1;1).
(1) [:1] 6 £/() = 1=+ =T v e (1)

Xét f'(1)=01-20=0c1=1%

of-

Vi 0°<a<90° nén tana >0=t¢=

5~

Bang bién thién:

1
t — —_——
* V2

0

+00 Yep

. 1 1
Duya vao bang bién thién, ta co V,, khi t =—= hay tana =—.
P 7

Céu 8: (THPT Yén Lac-Vinh Phtic-lan 3 nam 2017-2018) Cho hinh nén (N) c6 géc & dinh bing 60°,
d6 dai duong sinh bang a . Diy hinh cau
(S), (5.)s (85)sees (S,),...théa man: (S,) tiép xtc v6i mét ddy va cdc duong sinh cua hinh

nén (N); (S,) tiép xuc ngoai véi () va tiép xtc véi cac duong sinh cua hinh nén (N);



(S,) tiép xtic ngoai véi (S,) va tiép xtic véi cac dudng sinh cua hinh nén (N). Tinh téng thé
tich cac khdi cau (), (S,), (85),ees (S,),... theo a.

7ra3x/§ 277m3\/§ 7ra3x/§ 97[613\/§

A. . B C.

i y) 7 48 T
Loi giai

Chon A

BT A

Goi 1,,1, lan luot la tAm cta mit cau (S,) va (S,).

Goi H 1a trung diém cua 4B . Khi d6 ta co ASAB déu va R, zéSH =—. =

Ha I M, LSA, LM, 1 S4.
Xét ASI,M, ¢6 sin30° :1;&

2

= SI, =21,M,. Khi d6 ta ¢6 SH = SI, + I,E + EH

<31 =3n+2r< 1 =3rn.

Chung minh twong ty ta ¢6 r, =3rn,,....,7, =3r,

n+l *
L1 . , A \ Ny A X A 1N A e aN3 .
Do do6 day ban kinh #, r,,...,r,,. 1ap thanh mot cap so nhan lui vo han véi r, :T va cong

1
bdi g =—.
01 g 3

Suy ra ddy thé tich cua cac khdi cdu (8)),(S,), ---(S,),. .. 1ap thanh mot cAp s6 nhan i vo

()

han vé6i V, = — 7. ——rza’ vacong boi g, = L
3 6 54 27

Vay tong thé tich cta cac khdi cau (S,),(S,),....(S, ),... 1a: V' = IL = gmﬁ.
—q

Cau 9: (SGD Ninh Binh niam 2017-2018) Cho hinh chép S.4BC c6 day ABC la tam giac déu canh a,

canh bén S4 vudng goc voi mat phﬁng day. Goi B,, C, lan luot 13 hinh chiéu cua A4 trén SB,
SC . Tinh theo @ ban kinh R ciia mit cau di qua nim diém 4,8, C, B, C,.

A.R:“‘B. B.R:“‘B. c.R=23 D. =43
6 2 4 3

Loi giai




Chon D

Pit SA=x, goi I 1a tim duong tron ngoai tiép tam giac 4BC, H 1a hinh chiéu cua B, trén

canh 4B, M la trung diém cua AB.

2 2 2 2

Taco A4 =5B.5B =2t =S X uongtwtacing oo St=4 X
SB SB® a’+x SC SC

2 2"
a +x
2

BB, HB _BH  a
SA  AB 362+cz2

Suyra BC,//BC, BH//SA nén

2 2

xa a.x

=>HB =———, HB=——
X +a X +a

Ta chi can chimg minh 14 =1B, :—a;/g .Gid st x>a ( x <a talam tuong ty).
a a(xz—az)
Khi d6 HB = ——— >BM—— ,suyra HM = ———-—=———¢
X +a’ 2’ X +a 2 2(x2+a2)

5 ol

IB} =HI’ + BH* = HM* +IM* + B.H’ —?:IB =J4A=—"

a3
3

2 2
a.x a.x

14 ban kinh mat cau di qua nam diém 4,8, C, B, C,.

Vay IA=IB=IC=1B =IC, =

CAu 10: (SGD Ninh Binh nam 2017-2018) Cho mét chiéc cde co dang hinh nén cut va mot vién bi co
duong kinh bang chiéu cao ciia coc. PO day nude vao cde roi tha vién bi vao, ta thay lugng
nude tran ra bang mot nira lugng nudc d6 vao cde lac ban dau. Biét vién bi tiép xuc voi day coc
va thanh cbc. Tim ti s6 ban kinh ctia miéng cdc va ddy coc (bo qua do day cia cde).

3+4/5 . 1+ J5

A. 3. B.2. C == —
Loi giai

Chon C



N

D o'

Pit AB=2a, DC=2b, 0'0 =2c. Tacd V, la thé tich chiéc cdc, ¥V, 1a thé tich cua bi.
Tacd CK=2¢c, CB=a+b, BK =a—b.Do tam giac CKB vudng tai K tacod

CB*> =CK* + BK?

&S a’+b*+2ab=4c" +a’ +b° —2ab < ab=c>.

2

Mt khac 7, =%(a2 +b’ +ab) Y, =4T”c3 :
Theo gia thiét lvong nudc tran ra bang mot nira lwong nuée d6 vao cbe lac ban dau, suy ra
V,=2l, < c(a2 +b° +ab) =4c’

+
o a’+b* +ab=4ab @g:ﬁ,do a>bnén 3—3“5.

b 2

11:






(THPT Chuyén Phan Boi Chau-Nghé An- Ian 1 nam 2017-2018) Cho miit cu (S) ban kinh
R. Hinh nén (N) thay doi c6 dinh va duong tron day thudc mat cau (S). Thé tich 16n nhét
ctia khéi nén (N) la:

3 3 3 3
A 327R _ B. 32R . C. 32zR . D. 32R .
- 81 27

Chon A

Ta c6 thé tich khdi non dinh S 16n hon hodc bang thé tich khdi non dinh S”. Do d6 chi can xét
khoi non dinh S c6 ban kinh dudng tron déy 1a » va duong caola ST =h v6i h>R .

Thé tich khoi nén duoc tao nén bdi (V) 1a:

I I I I
V=3 hS = ghar = gh.ﬂ'.[Rz ~(h-R)' | = 7 (- +2I°R).

Xét ham sé: f(h)=—h’+2h’R véi he[R;2R).

Taco f'(h)=-3h>+4hR.

f'(h)=0 < 31 +4hR =0 < h =0 (loai) hodc h:4TR'

Bang bién thién:
h | R 4R 2R
3
f'(h) + 0 -
( 32R?
1 (h) 27
Ra/ \‘ .
32 4R

Ta c6: max f(h):ER3 tai h:?.

1 32 32

Vay thé tich khdi non dugc tao nén boi (N) co gia tri 16n nhitla ¥ = EEERS = gﬁR3 khi
p=2R.
3

Chu y: Sau khi tinh duge V = %ﬂ'(—}f + 2h2R) ta c6 thé 1am nhu sau:



h+h+4R—2hJ3_327rR3

V=La(-r +20°R) =L 2h? (2R - 1) = Z hi(4R-2h) sf(
3 3 6 6 3 81

Dang thirc xay ra khi va chikhi h=4R —2h < h= %R .

Chu 12: (THPT Thanh Mién 1-Hai Dwong-lan 1 nim 2017-2018) Cho mit cau (S) c6 ban kinh R
khong d6i, hinh nén (H) bat ki ni tiép mét cau (S). Thé tich khdinén (H) 1a ¥;; va thé tich

A \ L) A A \ .7 s 1z A 5 V <
phan con lai cua khoi cau 1a V. Gia tri 16n nhat cia —- bang:
2

iy B. /¢ c. 2 D. 22,
32 32 81 76
Loi giai
Chon D

Goi 7, S 13 tdm mat cau va dinh hinh nén.

Goi H latam dudng tron ddy cda hinh ndnva AB la mot dwong kinh clia day.

14 . N
Taco —++1= T Do d6 dé —- dat GTLN thi V/;, dat GTLN.
2 BEg! 2

TH 1: Xét trwong hop ST <R

Khi d6 thé tich cta hinh nén dat GTLN khi S/ = R Luc dé V= id

TH 2: (SI > R)I nam trong tam giac SAB nhu hinh v&.
bat [H = x(x > 0). Taco

V= L St = L7 (B ) (R x) =2 (2R 2x) (R ) (R +x) gﬁ(

4_Rj3 _327
6

3 ) 8l

.o R
D&u bang xay ra khi x =§.



4

— 7R’
chige L=V -3 =8
v, V-V ﬂﬂR3—¥ﬂ'R3 19

3 81

Ciu 13: (THPT D6 Luong 4-Nghé An nam 2017-2018) Mot c4i mii bang vai ctia nha 4o thudt véi cac kich
thudc nhu hinh v& dudi day. Hay tinh tong dién tich vai can co dé lam nén cai mii 46 (khong ké vién,
mép, phan thira).

30cm
......... O]
Ocm /
35cm
A. 750,257 (cm?). B. 700z (cm?). C. 756,257 (cm®).  D. 754,257 (cm?).
Loi gidi

Chon C
Ta c6 tong dién tich vai can dé 1am nén cai mii 1a tong dién tich xung quanh hinh tru va dién
tich hinh tron vanh noén.

Taco r =gcm =S, =2nrh= 27[.%.30 =450z (cm’ ).

2
Dién tich vanh nén 1a n(ﬁj _ 12257 (cmz).
2 4
Cau 14: Vay dién tich vai can dung la 4507 + 12?” =$n ~ 756,25n(cm2) .(THPT Chuyén Bién

Hoa-Ha Nam-Ian 1 nam 2017-2018) Cho hinh chép S.ABC cé day 1a tam giac ABC déu,
duong cao SH v6i H nam trong A ABC va 2SH=BC, (SBC ) tao voi mit phiang (ABC ) mot
goc  60°. Biét c6 mot diém O nam trén  duong cao SH sao cho
d(0;A4B)=d(0;AC)=d(0;(SBC))=1. Tinh thé tich khéi cdu ngoai tiép hinh chép da cho.
A 2567 B 1257z 500z . 3437z

. . — C.——. D
81 162 81 - 48

Loi giai
Chon D



o
Gia sit E, F 1a chan dudng vudng goc ha tir O xubng AB, AC . Khi d6 ta co
HE | AB,HF 1| AC.Do OE =OF =1 nén HE = HF . Do 46 AH 14 phan gi4c ctia goc BAC .
Khi d6 AH N BC =D la trung diém ciia BC.
Do BC L AD=> BC L(SAD).Ké OK L SD thi OK L (SBC). Do d6 OK =1 va SDA = 60°.
Pit AB = BC = CA=2a(a>0) thi SH =a, HD = a.cot 60° :%.
Do d6 AD =a~/3=3HD nén H la tAm tam gidc déu ABC = S.ABC 1a hinh chép tam giac
déuva E,F latrung diém 4B, AC.

OK
sin30°

Mat khac trong tam gidc SOK c¢6: SO = =2.Do ADEF déuco OH 1 (DFE ) nén

OE=0F =0D=1=K=D.
Khi d6 ADSO vudng tai D vacéo DH L SO . Tu do

2
DH® = HS.HO <:>%=a(2—a) @a:%:AB:lSH:%.

2
Goi R 14 ban kinh mat ciu ngoai tiép hinh chop S.4BC thi R = 54 = 7

2SH 4
3
Vm/c=i72'.z =ﬁ7z.
3714 48

CAu 15: (THPT Tran Nhan Tong-Quang Ninh-lin 1 nam 2017-2018) Cat mét khdi nén tron xoay c6
ban kinh day bang R, dudng sinh 2R bdi mot mit phang () qua tim day va tao vi mat day

mot goc 60° tinh ty sb thé tich cua hai phan khdi nén chia bdi mit phang (&) ?
g y p phang



D. 37[—4.

. . c. 2.
2(z-1) 3n
Huéng din giai

Chon D

Khong mat tinh tong quat ta gia st R=1.
Khi ¢t mot khdi non tron xoay c6 ban kinh day bang R, dudng sinh 2R boi mot mit phing («)

qua tim d4y va tao v&i mat ddy mot goc 60° thi ta duoc thiét dién 1a mot duong parabol co
dinh 1a gbc O(0;0) va dinh con lai 1a 4(L;1), do d6 thiét dién s& cé dién tich la S = %. Xét
mit phang di qua canh ddy cua thiét dién vudéng goc v6i hinh tron ddy cua hinh nén cat hinh
nén lam doi.

Goi da dién chira mit thiét dién d6 1a ( ) Goi ( ) la da dién chua dinh O cta hinh non

dugc sinh bai khi cit thiét dién Parabol véi da dién n (H )

3

Khi d6 khoang cach tir O dén mit thiét dién 1a /2 =

2
Suy ra thé tich cta da dién (K) 1a ¥, _1 3 i:&
323 9
11 73
Mat khac thé tich cta nira khdi nén 1a Eg 72'\/§ = T



Do d6 thé tich cua da dién nho tao béi thiét dién va khdinén la V =

71'\/5_2\/5 _ (37[—4)\/5
. .

9 18

(3—-4)\3
Vay ti s6 thé tich cta hai phin khéi nén chia béi mt phang (@) 13 g 374
ay 11 SO tn€ 1ich cua hai phan Kno1 non ¢nia bo1 mat phang a 7z'\/§ 67

3

Cau 16: (THTT s6 5-488 thang 2 nam 2018) Tinh ban kinh mit cAu ngoai tiép tr dién 4BCD biét rang
AB=CD=a, BC=4AD=b, AC=BD=c.
A Na*+b+c. B. 2(a2+b2+cz).
C. L Na' +b* +c’ . D. l\/az+b2+c2.
22 2
Loi giai
Chon C
Dung hinh hop A4B'CD'.A'BC'D

B' C

|

|

|
A
/
/
A D

Xét mat bén CD'DC’ 1a hinh binh hanh ¢6 CD = AB = C'D' nén mit bén CD'DC’ 14 hinh chix
nhat. Tuong ty ta c6 tit ca cac mit bén ctia hinh hop 4B'CD'.A'BC'D déu 1a cac hinh chit nhat.
Do d6 AB'CD'.A'BC’'D 1a hinh hdp chir nhat.

Khi d6, mat cau ngoai tiép ta dién ABCD cling chinh 1a mat cau ngoai tiép hinh hop.

Kihiéu AB'=x,AD' = y,AA'=z thitacé X’ +z> =a’, X’ +y’ =c*, 22 +y> =b>.

Suyra x° + > +2° :%.

Do d6: R=£=L\/a2+b2+c2.
2 22

HET




Cau 1: (THPT Ly Thai T6-Bac Ninh-Ian 1 nam 2017-2018) C6 mét bé hinh hop chir nhat chira day
nude. Nguoi ta cho ba khbi non gidng nhau cé thiét dién qua truc 1a mot tam giac vudng cin
vao bé sao cho ba duong tron ddy ciia ba khdi non tiép xtic v6i nhau, mot khbi noén co duong
tron ddy chi tiép xtic véi mot canh cta day bé va hai khdi nén con lai c6 duong tron day tiép
xuc v6i hai canh cua day bé. Sau d6 nguoi ta dat 1én dinh cta ba khéi non mot khéi cau ¢ ban

, < 4 A ’ ’ ’ 5 A r (¥4 Ae A <\ 5 A z \
kinh bang 3 lan ban kinh day cua khoi non. Biét khoi cau vira di ngap trong nudc va lugng

nudce trao ra la

T P 2 . . A, 2
(cm3 ) Tinh thé tich nude ban dau & trong bé.

|,l N
[ \
|[,¢ ~\\\
it .
I S ~eem o= -r
|\\ __________ /I
L B
! IRy ==~ 17N
Vo NS M 1
[ L A \
[ VN \
Wi / Vo \
V" I'\ \r\ \
[4 ’ \ II \ \
I;L;-——I‘-es Ry pi
[4RN / r‘\ \
‘¢ S d - A-4-7
ot g \
va S =7
A. ~885,2 (em’). B. ~1209,2 (em®).  C.~1106,2 (cm’).  D. ~1174,2 (cm’).
Loi giai

Chon B

]

Goi r,R,. lan lugt 1a ban kinh day cta khdi nén va khéi cau, a,b,c¢ lan lugt 1a 3 kich thude
cua hinh hop chit nhét.

Dé dang thay a =4r, AABC déu canh 27 nén BH:%\/g:r\/gjb:r 3+2r.

3 4
R, :ir =V, :iﬂRic :iﬁ(irj :(ij .V, :lﬂr2h :lm’3 (do h=r)
3 3 3 (3 3 3 3

mc

4
Ta c6 phuong trinh 3%7[1”3 +(§] zr =¥ &Sr=3=R_=4.

Tedd a=12, b=6+3v3.Goi D,E,F 1an luot 1a 3 dinh cta hinh nén thi ADEF d&u c6 canh

bang 6 va ndi tiép dudng tron ¢ ban kinh HM = L =23.
2sin 60°



Tirds 1H =NIM* ~HM? = |4 ~(23) =2, c=R, +IH +r=4+2+3=9.

Viy thé tich nudc ban dau ciing chinh 1a thé tich khdi hop chir nhat
v, =abc= 12.9.(6+3\/§) ~1209,2 (cm’).

Cau 2: (THPT Lé Quy Don-Hai Phong lan 1 nam 2017-2018) Trong khdng gian cho tam gidc ABC déu

canh bang 2 c6 dinh, M 13 diém thda man MA* + MB* +2MC* =12. Khang dinh nao sau day
dung?

A. Tap hop cac diém M 13 mit cau c6 ban kinh R =+/7 .

27
=

B. T4p hop cac diém M 1a mit ciu cé ban kinh R =

. . 7
C. Tap hop cac diém M 1a mat cadu cé ban kinh R :£.
D. Tap hop cac diém M 13 mat ciu cé ban kinh R =

yNEi
=5

Lo giai

Chon C

[ Y

A° D °B
Trude hét, ta xéc dinh didm / théa man IA+IB+2IC =0. Goi D la trung diém 4B, ta co:
IA+IB+2IC=0 < 2ID+2IC=0 < ID+1C =0
Suy ra 7/ 1a trung diém CD.
Tur do6, ta co:
MA® + MB* +2MC* =12 <> MA +MB_ +2MC =12
_ —\2 — —\2 —_— —\2
<:>(M[+IA) +(MI+IB) +2(M1+Ic) 12
<:>4A‘472+A‘ﬁ(f;l+fl§+21‘5)+1742+7§2+21‘52=12

S AMI? + 14> + IB* +2IC* =12



12—(1/12 + 1B’ +2[C2)
4

< M=

Mat khac:
IA* + IB* + 2IC* =2IA4* +2IC* = 2(11)2 +A4D? ) +2IC?

2 2 2 2
—41C* 4240 =cp*+ 2B _cpr o AB & +2s,
2 2 2
12—(14% +IB* +2IC?
Neén: MI* = ( ) 12- 5 7 yra IM = \/7 \/_
4 4
A A ’ <R \ - A , , , \/7
Vay, tap hop cac diém M la mét cau c6 ban kinh R = B
HET (THPT Chuyén Tién Giang-lin 1 nim 2017-2018) Cho hinh chép

S.ABCD c6 day 1a hinh vudng canh a, SAD 1a tam giac déu va ndm trong mit phang vudng
goc voi day. Goi M, N lan luot 13 trung diém cua BC va CD. Tinh ban kinh R cua khéi cau
ngoai tiép khéi chop S.CMN .

A.R:a@. B.R:a‘@. C.R:a\/ﬁ. D.R:S“ﬁ
8 = 12 6 12
Loi giai
Chon B
Goi:

- H la trung diém ctia AD = SH L (ABCD).

- I la trung diém ctia MN = I 13 tim dudng tron ngoai tiép tam giac CMN.
- d 1a duong thang qua / va vudng goc voi mat day.

- E la hinh chiéu ciia / 1én AD.

- O 1a tim mat cAu ngoai tiép khoi chop S.CMN .

- K 14 hinh chiéu cia O 1én SH.

bat Ol =x.

Ta co: CI—IMN— ; OC=VIC* +10* = 1/

2 3 3a a ? a\/_
KO=HI=~IE"+EH —




2 2
2
SO =+SK*+KO? =\/[a\2/§—xJ +(a\iml =\/x2—\/§ax+22a .

16
Vi O la tim mit cau ngoai tiép khdi chép S.CMN nén SO = OC

2
Suy ra: \/%+x2 = [x* =Bax+ 22 = 5\/§a.

2
a <:>\/§ax=§a2<:>x—
16 4 12

2 2
Vay: R=0C = |24 =@a.
8§ 48 12

Cau 4: (THPT Chuyén Vinh Phtic — Vinh Phtic - Lan 4 nam 2017 — 2018)Cho hinh chép S.ABCD c6 day la
hinh vuéng canh a, SAD la tam gidc déu va ndm trong mat phang vudng géc véi day. Goi M va N
[an lwot 13 trung diém cia BC va CD (tham khao hinh v& bén). Tinh ban kinh R cua khéi cdu ngoai
ti€p hinh chép S.CMN .

S

B

M

D N C
A =03 B, R= V3T c. R=N% p. g=3003
= 12 6 8 12
Loi gidi
Chon A

Goi I 1a tAm mit cau ngoai tiép hinh chép S.CMN .
Goi H 1a trung diém cta AB nén SH L AB ma SAD 1 (ABCD)

Suy ra SH L (ABCD).
Goi CH nMN ={0} suyra SH//OI .

Taco MN=LBD =92 en OM:lMN:aﬁ;
2 2 2 4
2 2
HM =VHD* +DM* = || | +]| £ _aV2.
2 2 2

4 2 2 4

2 2 2 2
bit 10 =x, IS:IM<:>152:IM2<:>x2+(a\/Ej :(‘“g_xJ J{“‘EJ +(“‘/5J



2 2 2 2 2 2
<:>x2+a—zi—ax/§x+x2+a—+a—<:>i—a 3x+a—=0<:>x=5\/§a
8 4 2 8 4 2 12
2 2
ReIM = 5\/§a N a\/E :a\/93‘
12 4 12

HET

5\/561
S x=
12




Cau 1: (SGD Bic Ninh - Lin 2 - nam 2017-2018) Cho t& dién ABCD ¢6 AB=BC=CD=2,
AC=BD=1, AD = /3. Tinh bén kinh cua mit cau ngoai tiép tr dién da cho.

J7 J39 243

A. 1. B. —. C. —. D. —.
3 6 3
Loi giai
Chon C
Ta c6 AACD la tam gidc vudng tai 4 va AABD la tam gidc vudng tai D

Dung khdi lang try tam gidc déu ACF.DEB nhu hinh v&.

D
G, 78
ET:
A\t
A\ A B

Goi G va G’ lan luot 13 trong tdm cua hai tam giac ACF va DEB; I 1a trung diém cia GG'.
Khi d6 7 1a tim mat cu ngoai tiép lang try ACF.DEB , dong thoi cling 1a tim mit cau ngoai
tiép tr dién ABCD .

2 3

s [[BY) (S3) 39
CAu 2: Ban kinh mat cau ngoai tiép 1a R = IF = IG* +GF* = \/(—J +[—J = T.Trong khong gian

cho hai duong thing chéo nhau d va A, vudng goc v6i nhau va nhan AB =g lam doan vudng
goc chung Aed, BeA. Trén d liy diém M, trén A liy diém N sao cho AM =2a,
BN =4a. Goi I 1a tim mit ciu ngoai tiép tir dién ABMN . Khoang cach giira hai duong thang
AM va BI la

4a B. a c. D. 2042 .

A, —. .a. .
& 5 3

Cau 3: Trong khong gian cho hai dudng thang chéo nhau d va A, vuéng gbc véi nhau va nhan 4B =a

lam doan vudng géc chung Aed, BeA. Trén d lay diém M , trén A liy diém N sao cho
AM =2a, BN =4a. Goi I 1a tAm mit cau ngoai tiép tor dién ABMN . Khoang céach gitra hai
duong thang AM va BI 1a

A T8 B. a. c. e D. 2"“@
J17 5 3
Loi gii

Chon A



Taco, MA 1 (ABN) suyra MA 1 AN .

NB 1 (ABM) suyra NB L BM .

Do d6, tAm mit cau ngoai tiép ta dién ABMN 1a trung diém I cua MN .

Goi F 1a trung diém cta AN suyra IF//AM do dé

d(AM ,Bl)=d(AM ,(BIF))=d(A,(BIF)) va IF L (ABN).

Goi H 13 hinh chiéu cia 4 1én BF, P i xing véi B qua F suy ra ABNP 1a hinh chit nhat

Tacé {AH L BF
AH L IF

Xét tam gidc ABP vudngtai 4 c6 AH la duong cao nén

AB*.AP® \/ a’16a’  4a

AB*+4P* \d*+4d> 17

Céu 4: Cho tr dién déu 4BCD c6 mit cau ndi tiép 1a (S,) va mit cau ngoai tiép 1a (S,), hinh lap

— AH 1 (BIF) = d(AM,BI) = AH .

d(AM ,BI) = AH = \/

phuong ngoai tiép (Sz) va noi tiép trong mat cau (Ss). Goi 1, r,, 1 lan luot 12 ban kinh céac

mit cau (S,), (S,), (S;). Khing dinh nao sau day dung?

A2 an_ 1 i 2, 1
o3 N3 n 3 on 2
cilyn 1 p il
n 3 n A3 n 3 n 33

Céu 5: Cho ttr dién déu 4BCD c6 mit cau ndi tiép 1a (S,) va mit clu ngoai tiép 1a (S,), hinh lap
phuong ngoai tiép (Sz) va noi tiép trong mat cau (Ss). Goi 1, r,, 1 lan luot 12 ban kinh céac

mit cau (S,), (S,), (S;). Khing dinh nao sau day dung?

LI S BA_23nh_1
no 3 r 3 no 3 7 2
cilyn 1 p il
no 3 7 3 no 3 1 343

Huéng din giai



Chon C

3

Gia sir tir dién déu ABCD c6 canh bang 1, khi d6, dién tich cia mdi mat ttr dién déu 1a R

Goi H la tam cia tam giac déu BCD thi AH 1a duong cao cua hinh chép 4.BCD va

213 1

BH =— =

32\/5'

Béi vay, chiéu cao cta hinh chop 1a

h=AH =\ AB* - BH? = / T

Tir d6 suy ra thé tich khéi tir dién ABCD 1a

an

pols pol¥3 V2 V2
3 37473 12
Ban kinh mit cau (S,) noi tiép dién déu ABCD 1a
3 V2
L T 2
1 4SBCD 4.£ 4\/5
4

Trong mit phiang ABH , dudng thing trung truc ciia AB cit AH tai I thi / 1a tim mit cu
(S,) ngoai tiép tir dién déu ABCD.
Goi M la trung diém 4B, tacbd

Al AM 4B 11 B 3
—=——=Al= = = =>n=—F.
AB  AH 24 V2 22 22
V3
A N 1 A [T M \/g
D¢ dai canh hinh 1ap phuong ngoai tiép (Sz) bang a =2r, :7.
Ban kinh mit cau (S3) ngoai tiép hinh 1ap phuong do 1a = a\z/g :g £ :¥.
Ny L ho b oo 1
Trdoétaco —=—va 2=—.
rn 3 o 3

Cau 6: Cho khdi try c6 chiéu cao =16 va hai day 13 hai duong tron tim O, O’ véi ban kinh R =12.
Goi I 1a trung diém cua OO’ va AB 1a mot day cung cia duong tron (O) sao cho

AB=12+/3 . Tinh dién tich thiét dién cua khdi tru vi mdt phing (/4B).
A. 120+/3 +80. B. 487+ 244/3. C. 60+/3 +40x. D. 12043

HET




DPAP AN THAM KHAO

1/2(3/4|5({6|7 8|9 |10|11|12(13/14|15|16|17 1819|2021 |22|23(24 |25
A/C/B/B|IC/B/ID/C/BIDB/A/IB/BIDIC/D/IC|B|/D/A/D|ID]JA

26(27(28(29(30|31|32/33(34|35/36|37(38|39/40|41 424344454647 |48(49|50
C/AJIA/IBID/D/[AIC|IB/AIDB/IDIA|C|IC/D/IDID|[C|B|C|A|A A

HUONG DAN GIAI

Cau 7: Cho khdi tru c6 chiéu cao =16 va hai d4y 1 hai duong tron tim O, O' véi ban kinh R =12.
Goi I la trung diém cia OO’ va AB la mot diy cung cua duong tron (0) sao cho
AB =12+/3 . Tinh dién tich thiét dién ctia khéi tru v6i mit phang (I4B).
A. 120+/3 +80. B. 4871+ 2443 . C. 60+/3 +40m. D. 12043
Hwéng din giai
Chon A



2
Goi d 1a khoang cach tir O dén day cung 4B = d = ‘/Rz —(%} =6.

h/2 8 4 3
—=—=— =cosQ@=—.
3 5

Goi o 1a gbc tao boi thiét dién v&i mat day. Do do tana = y p

Dua h¢ truc toa 46 Oxy vao mat phéng day, géc trung voi tam O, truc Ox vudng goc voi AB,

truc Oy song song voi AB .

6
Do d6 SABCD = 2J. V122 —dex = 72\/§+ 1447 .
-6

3
A A . SABCD SABCD
Ap dung cong thirc cosar =—25= suyra S, o, = ——— = 1204/3 +80.
thietdien cosa
Cau 8: - [1]5 p— Mot khdi gb co hinh tru véi ban kinh ddy bang 6 va chiéu cao bang 8. Trén

mot duong tron day nao d6 ta lay hai diém 4, B sao cho cung AB c6 s6 do 120°. Nguoi ta
cit khuc gd boi mot mat phang di qua 4, B va tdm cua hinh try (tim cta hinh try 13 trung
diém cua doan ndi tdm hai day) dé duoc thiét dién nhu hinh v&. Biét dién tich S cua thiét dién
thu duoc co6 dang S = an+b3. Tinh P=a+b.

A. P=60. B. P=30. C. P=50. D. P=45.

Cau 9: Mot khdi gd c6 hinh tru v6i ban kinh ddy bang 6 va chiéu cao bang 8. Trén mot duong tron day
nao d6 ta lay hai diém 4, B sao cho cung 4B c6 s6 do 120°. Nguoi ta cat khiic g6 boi mot
mat phang di qua 4, B va tam cuia hinh tru (tdm cua hinh try 1a trung diém cua doan noi tAm
hai day) dé dugc thiét dién nhu hinh v&. Biét dién tich S cua thiét dién thu duoc c6 dang
S=an+b\3. Tinh P=a+b.



)

B

A. P=60. B. P=30. C. P=50. D. P=45.
Huéng din giai

Chon C

Goi / 14 trung diém ciia OO0’ , v6i O, O' 1a tim cua hai ddy; H 1a trung diém cua 00'; « 1a
goc tao boi thiét dién véi mat day.

2
Tacé AB=63; OH = |R* - 4B =3;tana:£:i:>cosa:§.
2 OH 3 5

Dua hé truc toa d9 Oxy vao mat phéng day, géc trung voi tam O, truc Ox vudng goc voi AB,

truc Oy song song voi AB .

3
Taco S pep =2[V36—x"dr=18V3+12n.
-3

Mat khac, ta lai co cosazsf‘ﬂ = S, ser =SAﬂ=3Ox/§+20n.Dod() a=20, b=30.
\BEF cosa

Vay P=a+b =50.
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