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Hoc dé khing dinh minh! ‘
CHU PE 1:

HAM SO LUQNG GIAC VA PHUONG TRINH LUQNG GIAC
I. LY THUYET CO BAN
1. H¢ thirc lwgng giac co ban
e sina+cosPa=1

e tana.cota = 1,[a¢kg,k€Z

1
o l+4tan’a =— o=l tknkeZl:
cos” « 2
e l+cot’a= (Ozikﬂ',kEZ)
sin” «
2. Gia tri lwgng giac cua cac géc c6 lién quan dac biét
Géc do6i nhau (o va —a) Géc bu nhau (o va 7 — )
cos(—a) = cos« sin(w — a) = sin«
sin(—a) = —sin« cos(w — Oz) = —cosq
tan(—a) = —tano«o tan (77 — a) = —tan«
cot(—a) = —cota Cot(w—a> = —cotw
Géc phu nh 3 =
Oc phy nhau (o va 2 —a) Géc hon kém 7 (o va 7 + )
o Sin(7r+a):—sina
sin|— — a| = cos«
2 COS(T('—{—CM):—COSOé

CoS z—cu]: sin v tan(w%—a)ztana

cot (77 + a) = cota

3. Cong thirc luwgng giac
a. Cong thirc cong
cos(a + b) = cosacosb —sinasinb sin(a + b) = sinacosb + cosasinb

cos(a —b) = cosacosb+sinasinb sin(a — b) = sinacosb — cosasin b

tana + tanb tana — tanb
tan(a — b) =
1 —tana.tanb 1+ tana.tanbd

tan(a + b) =
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Hoc dé khing dinh minh!

Chii y:

sina + cosa = \/Esin[aJr%] = \/Ecos[a—g]
sina — cosa = \/Esin[a—g] = —\/Ecos[cw—%]

b. Cong thirc nhan déi, cong thirc ha bac

Cong thirc nhan déi

sin 2o = 2sin a.cos o

cos2a = cos’ a —sin’ a
=2cos’a—1
=1—2sin’ «

2t
tan2a = ana

1—tan® «

Cong thirc ha bac

. 9 1— cos2a

sinn o = —
2

: 1+ cos2a

cos" o= —
2

tan’ o — 1— cos2a

1+ cos2a

d. Cong thirc bién déi tich thanh tong, tong thanh tich

Bién doi tich thanh tong

Bién doi tong thanh tich

cosa.cosb = %[cos(a — b) + cos(a + b)}
sina.sinb = %[COS(G — b) — cos (a + b)]

sin a.cosb = %[sin(a — b) + sin(a + b)

cosa+cosb:2cosa+bcosa_b
2 2
. a+b . a—b
cosa — cosb = —2sin sin
2 2
sina+sinb:251na+bcosa_b
2 2
) . a+b . a—2>
sina — sinb = 2cos 5 sin 5

4. Ham so luwgng giac
a) Ham so chan, ham so 1é

Ham sb y = f(x) c6 tap xac dinh 1a D

+)Ham sb y = f(a:) duoc goi 1a ham s6 chin néu lf<$) B f(x)

Vee D= —-z¢cD

VeeD=—-x¢e€D

+)Ham s6 y = f(g;) duogc goi 1a ham s6 1é néu {f(x) _ —f(£17>

Chii y: +) D6 thi ham s6 1é nhan gbec O lam tam d6i xtng
+) P6 thi ham so chan nhan tryc tung 1a truc doi ximg

b) Ham s0 tuan hoan

Ham sd y=1f (1:) xac dinh trén tap hop D, duoc goi 1a ham s6 tuan hoan néu c6s6 T = 0

saochovéimoi x € Dtacoz+T € D va f(:zs—i—T)zf(:z:).

Neéu c6 s0 duong 7' nho nhat théa man cac di€u kién trén thi 7' goi la chu ki ciia ham s6

tuan hoan do.
Chu y:

+)Ham s6 y = sinz,y = cosx tudn hoan véichuki 7' = 27

+) Ham s6 y = tanz,y = cotx tudn hoan véi chuki 7 = 7
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Hoc dé khing dinh minh!

+) Haim sb y = Asin(a:z:—l—b) vay = Acos(aa:+b), (A,a Z= O) tuan hoan v6i chu ki T :%
a

+) Haim s6 y = Atan(a:zt+b> vay = Acot(aa:+b), (A,a = 0) tuan hoan v6i chu ki T :ﬁ
a

¢) Do thi va tinh chit ciia cac ham sd lwong gidc y = sinz
+) Tap xac dinh R
+)Tap gia tri: [—1;1], conghiala —1 <sinz <1,Vz € R.

+) Ham s0 tuan hoan véi chu ki 27

+) Ham s6 ddng bién trén mdi khoang [—g + kQﬂ';% + k27r] va nghich bién trén mdi

khoang [g + k27r;37ﬂ +Rk2m |,k e Z.

+) 12 ham s6 1é, d6 thi 1a duong hinh sin nhan gdc toa dd O 1a tim ddi xing
;

d) Do thi va tinh chit ciia cac ham s6 lwong gidc y = cosz

+) Tap xac dinh R.

+) Tap gid tri: [~1;1], c nghfa 1a —1 < cosz < 1,Vz € R.

+) Ham s6 tuan hoan véi chu ki 27

+) Ham s6 ddng bién trén mdi khoang (—71' + k27r;k27r) va nghich bién trén mdi
khoang (k27r;7r + k27r>,k €.

+) 12 ham s6 chén, d6 thi 1a duong hinh sin nhan Oy lam truc d6i xtng

' T 0 T : *
i _5 3 i

e) Do thi va tinh chit ciia cac ham sb lwong gidc y = tanz

+) Tap x4c dinh: R\ {g + ks € Z}

+) Tap giatrila R.
+) Ham s0 tuan hoan véi chu ki
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Hoc dé khing dinh minh!
+ Ham s6 dong bién trén mbi khoang —% + lm;g +km ,(k c Z).

+ 1 ham s6 1¢, do thi ham sb nhan géc toa o O 1am tam doi xung

} } /I ‘v
i
2, '

-t =K.
5

f

f) D6 thi va tinh chit ciia cac ham sd lwong gidc y = cotz
+) Tap xédc dinh: R\ {lm [k Z}.
+) Tap gié} tfii R.
+) Ham s6 tuan hoan véi chu ki
+) Ham sb nghich bién trén mdi khoang (k’7r;7r + k:7r> keZ.

+) 1a ham s6 1¢, d6 thi ham s6 nhan géc toa do O lam tam ddi xung
¥

-7 [2] m Tf

516
ro

5. Phwong trinh luwgng giac co ban
a. Phuong trinh sinx = m

+) Truong hop 1: ‘m‘ > 1 thi phuong trinh v6 nghiém.
+) Trudng hop 2: ‘m‘ <1 thi phuong trinh c6 nghiém.

T =o+ k27

»sinz =sina < ,
r=7m—a+ k27

(kez)

r = a°+ k.360°

r = 180° — a® + £.360°
f(ac) = g(m) + k27
f(a:) =7 — g<x>+ k27w

» sinz = sina® &

(k€ z)

> sin f(z) = sing(z) & (ke z)

Chii y:
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Hoc dé khing dinh minh!
siny =0< z =kmw

sinle@x:%+k2ﬂ

sinxz—l@x:—%—i—lﬂw

b. Phuwong trinh cosz = m
+) Truong hop 1: ‘m‘ > 1 thi phuong trinh v6 nghiém.

+) Trudng hop 2: ‘m‘ < 1 thi phuong trinh c6 nghiém.

T =o+ k27

> COSZT = COos o & ,(kEZ)
r=—a+ k27
z = o+ £.360°

> cosx = cosa’® & o O,(kEZ)
r = —a° + £.360

f(z)=g(z)+ k2r

>  cosf(z)=cosg(z) e f(z) = —g(z)+ k2r

Chii y:
T
coszt =0 v =—+knr

cosz =12 =Kk2m

cost=—1<x=7m+k2m
c. Phuong trinh tanz = m
Phuong trinh tan z = m ludn c6 nghiém véi moi m
»tanr = tana < v = a+ k7 (keZ)

»tanz = tana® & z = a° + k180° (k € Z)

> tanf(;z:) = tang(;z:) & f(x) = g(:z:)—i—lmr (k: € Z)
d. Phwong trinh cotxz = m
Phuong trinh cotx = m Iudn c6 nghiém véi moi m
»cotrx =cota & v =a+kn (k:eZ)

» cotz = cota® & = a°® + k180° (k € Z)

> cotf(x) = Cotg(x) = f(x) = g(a:>+ km (k: € Z)
PHAN BAI TAP BAT BUQC
Chi diém: Gi4 tri lwong giac cia mdt cung
Dang 1. Don vi do goc
Cau 1. a)Daoi tir d6 sang radian cac so do sau: 360°;—450°;

Ae N . A s £ 117
b) Doi tir radian sang do céc s6 do sau: 3m;———

Cau 2. Doi so do cung tron sang s6 do do:

327

3T 5T 3T
a)— b) — c)— d)— e)2,3
) )6 )3 )7 )

4
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Hoc dé khing dinh minh!

Cau 3.

Cau 4.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.
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D6i s6 do cung tron sang s6 do radian:

a) 45° b) 150° c) 72° d) 75°

Dang 2. P06 dai cung tron

Mot dudng tron c6 ban kinh 20 ¢m . Tim do dai cta cac cung trén dudng tron d6 c6 sb do
sau:

a) %; b) 1,5; c) 35°; d) 315°.
Mot dudng tron c6 ban kinh 36m . Tim d6 dai cta cung trén duong tron d6 c6 sé do 1a
3T 1
a) — b) 51° c) —
) 1 ) ) 3

Banh xe cua nguoi di xe dap quay dugce 11 vong trong 5 gidy.
a) Tinh goc (theo dd va radian) ma banh xe quay duoc trong 1 giay.
b) Tinh d6 dai quing dudng ma nguoi di xe da di duoc trong 1 phit, biét rang dudong kinh
cua banh xe dap 1a 680mm .
Dang 3. Méi lién hé giira géc hinh hoc va goc lwong gidc
Trén dudng tron lueong giac, xac dinh diém M biéu dién cac goc luong gidc c6 s do sau:
a) 27 by — 7. c) 150°; d) —225°.
3 4
Cho goc lugng giac (Ou, Ov) c6 s6 do —. Hoi trong cac goc 6—7T, 9—7T, —11—7T, 31—7T,
5 5 5 5 5
147 ~ T , n s o, S IO
= nhiing gbéc nao 1a s6 do cua mdt gde lugng giac cd cung tia dau, tia cudi voi goc

da cho.
Hay tim s6 do o cua goc lugng giac (Ou, O’U> v6i 0 < a < 27, biét mot goc lugng giac
c6 cung tia dau va tia cudi voi goc do ¢ sé do la:

N 2?77 by _ 1287 o) _ 2003

d) 18,5

Hay tim s6 do a° cua goc luong giac (Ou, Ov) (0° <a< 3600) biét mot goc luong giac
c6 cung tia dau va tia cudi vai nd ¢o so do:

a) 395° b) —1052° ) —972° d) (207r)°

Dang 4. Diu céc gi4 tri lugng gidc cia goc

Cho 0° < o < 90°. Xét dau cua cac biéu thirc sau:

a) A = sin(a + 90°). b) B = cos(a —45°).

¢) C = cos(270° — o). d) D = cos(2a +90°).

Cho0<a< Z_ Xét dau cua cac biéu thire sau:

2
a)A:COS(a—I—W). b)than(a—w).
c)C:sin[a—k%]. d)D:cos[a—%].

Dang 5. Riit gon biéu thirc lwong gidc
Rut gon céc bicu thire sau:




Hoc dé khing dinh minh!

a) A = COS[%+ x]—l— COS(27T— x) + cos(37r + :E)

b) B = 2cosz — 3cos(7r — a:) + 5sin[7?7r—m

+cot[3l—x]
2
¢) C = 2sin z+x +sin<57r—x)+sin 3—7T—|—x + cos z+x
2 2 2
. |37 37
d) D= cos(57r—x)—sm —4z|+tan|——1z +cot<37r—x)
2 2

Céu 14. Rut gon biéu thie A = sin(w + a) + cos [g — a] + c0t<27r — oz) + tan [g -«

tan[a — g] COoS [?;T + a] — sin® [7277 — a]
Céu 15. Rut gon biéu thirc B =

X 2
Ciu 16. Rat gon biéu thic A = [—Sm vhtanz) g
cosx +1
Cau 17. Rut gon biéu thirc A = tanz + ﬂ
14+sinz

Ciu 18. Don gian biéu thitc A = sin’ z — cos” z + 2cos’ z

. 4 4
Céu 19. Pon gian bidu thie B — — S £+ 3cos 71

sin®z + cos’ z + 3cos’' z — 1
)
Céiu 20. Pon gian biéu thire D = —— =50~
2cos"x—1
Céu 21. Pon gian biéu thic E = 2<sin6 T + cos’ :E) — 3(51114 T 4+ cos’ x)

Dang 6. Tinh gia tri lwgng giac cua goc lugng giac

Ciu 22. Tinh céc gi tri luong giac cua goc «, biét:

1 s ) 2 .7
a)cosa=—val<a<—; b) sina=—-va—<a<m;
5 2 3 2
1
c)tama:\/gV'c‘17r<04<3—7T d)cota:——végl<a<2w.
2 o2
Cau 23. Cho biét mot gia tri lwong giac, tinh cac gia tri lugng giac con lai
a) cosa = =, 270° < a < 360°. b) sina = >, L < q <.
5 1372
c)tana:S,w<a<37”. d) cot15° = 2 ++/3 .

Cau 24. Cho biét mot gia tri luong giac, tinh gia tri cua biéu thire, véi:
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a) A= otattana 4 e =3 0<a<X.
cota —tana ) 2
.9 . 2
2 . —2 .
b) C — sin” a + 2sina.cosa Ccos™ a . khi cota = —3.

2sin’ @ — 3sina.cosa + 4 cos’* a

0 G = cota + 3tana Ihi cosq — _2'
2cota + tana 3

dy H = S0 COSa b tana = 5.
COosa —sina

Céau 25. Thuc hién cac yéu cau sau

a) Cho3sin' z + cos' z = % Tinh A =sin" z + 3cos' z.
b) Cho 3sin' z — cos' z = l Tinh C = sin’ z + 3cos’ z.
2
¢) Cho 4sin’ z 4+ 3cos' z = % Tinh C = 3sin’ z + 4cos’ z.

A . 1 r .
Cau 26. a) Cho sinz + cosz = g Tinh sin z, cos z, tan z,cot z.

b) Cho tanz + cotx = 4. Tinh sin z, cos z,tan z, cot z.

Ciu 27. Huyét ap ctia mdi nguoi thay ddi trong ngdy. Gia st huyét ap tim truong (tic 13 ap luc
mau lén thanh dong mach khi tim gidn ra) cia mét nguoi ndo d6 ¢ trang thai nghi ngoi

tai thoi diém ¢ duoc cho boi cong thire: B(t) = 80 + 7 sin%, trong d6 ¢ 1a sé gio tinh

tir lac ntra dém va B(t) tinh bang mmHg (milimét thuy ngan). Tim huyét 4p tAm truong
clia ngudi ndy vao cac thoi diém sau:
a) 6 gio sang; b) 10 gio 30 phut sang c) 12 gio trua; d) 8 gid toi.
Dang 7. Chig minh ding thirc

Céu 28. Chimg minh cac dang thuc:

2 2
cos"a+tan" a—1

a) cos’ a —sin’ a = 2cos’ a —1; b) — = tan’ .
sin” «
Céau 29. Chung minh cac dang thuec:
. s . 2 2
sin® a + cos’ a . sin” a — cos” a tana —1
- =1-—sinacosa. b - = .
sina + cosa 14 2sinacosa  tana+1

¢) sin' a + cos’ a —sin® a — cos’ @ = sin” a.cos’ a.
A \ 3T , . M
Cau 30. Cho tana =2 var < a< o Chtirng minh rang

sin o + 2cosa _2\/3

\/Sina.cosa+2sin2a+2 5
HE THONG CAU HOI TRAC NGHIEM
Phin L Tric nghiém nhiéu phwong an hra chon
Cau 1. S6 do theo don vi radian cua goc 315° 1a
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AT B. T, c. p. AT,
2 4 7 7

A \ L A Yy ~ A A \ . . \
Cau 2. Cung tron c6 so do la e Hay chon s6 do d6 cta cung tron do trong cac cung tron sau

day.
A. 5°. B. 15°. C. 172°. D. 225°.
Cau 3. Cung tron c¢6 sb do 1a 7. Hiy chon sb do d6 ciia cung tron d6 trong cic cung tron sau
day.
A. 30°. B. 45°. C. 90°. D. 180°.

Caud. Gocco sb do 2% d6i sang do la:

A. 135", B. 72°. C. 270°". D. 240°.
Cau5. Goc co sd do 108" ddi ra radian la:
AT L= c. 3T D. =
5 10 2 4
Cau 6. Goc c6 sb do g d6i sang do la:
A. 25 B. 15". C. 18°. D. 20°.
Cau7. Cho a :g+k27r.Tim kdé10r < o < 17
Ak = T. B.k = 5. C.k = 4. D.k = 6.
Cau 8. Mot banh xe ¢6 72 ring. S6 do goc ma banh xe di quay duogc khi di chuyén 10 ring la:
A. 60°. B. 30°. C. 40°. D. 50°.
Cau 9. Doisb do goc 105° sang radian.
T B. 2T c. 2T D. 2T
12 12 8 12
Cau 10. S6 do goc 22°30’ ddi sang radian 1a:
A X B. = c. ™ D. =
5 8 12 6

Céu 11. Mot cung tron c6 s do 1a 45°. Hiy chon sé do radian cia cung tron dé trong cc cung
tron sau day.

A= B. c.t pD. =
2 4 3
Cau 12. Goc c6 sb do % d6i sang do la:
A 7" B. 7°30’. C. 8" D. 830’
Cau 13. Goc c6 s6 do 120° ddi sang radian 1a:
A B. " c. .. D. =
3 2 4 10
Céau 14. Trén duong tron ban kinh » = 15, d6 dai ciia cung co s6 do 50" 1a:
A.lzlS.@. B.l—15—7T C.l:15.@.50. D. [ = 750.

™ 180 ™
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Céu 15. Cho bdn cung (trén mot dudng tron dinh huéng): o = —5%, 6= g,v = 25?%,6 = 19?”
, Cac cung nao c6 diém cubi trung nhau:
A.Bvay;avad. B.a,f. C. 8,7,0. D.avapg;yvad.
Cau16. Cho L, M, N, P lan luot la diém chinh gitta cac cung AB, BC, CD,DA . Cung «
c6 mut dau tring véi A vasd do o = 3T L . Mt cudi ciia o & dau?
A. L hoac N. B. M hoac P. C. M hoac N. D. L hoac P.
Cau 17. Trén dudng tron ban kinh r» = 5, 6 dai cua cung do % la:
A l=L, B.l=1". c.i=2, D. két qua khac.
8 8 8
Céu 18. Mot dudng tron c¢6 ban kinh R = 10¢m . Do dai cung 40° trén duong tron gan bang
A. 1lcm. B. 13cm . C. 7cm. D. 9cm.
Céu 19. Biét mot sé do cua goc (Ow, Oy) = 37% + 20017 . Gia tri tong quét ctia goc / (Oa;, Oy)
la:
A. Z(O:U,Oy):%r—l—lm. B. £(Oz,0y) = 7+ k2.
m m
C. 4(Ox,0y):5+k7r. D. 4(0$,0y):5+k‘277.
Cau 20. Cung nao sau day c6 mut trung voi B hodc B’?
A.a=90"+ £360". B.a=-90"+ £180°.
C.a:g—kkﬂﬁ. D.a:—g+k27r.
Ciu 21. Cung o c6 mut daula A va mat cudila M thisb do cua o 1a:
A.3—7T+k27r. B. —3—7T—|—k27r. C.3—7T+k7T.D.—3—7T+k7T.
4 4 4 4
Cau 22. Trén hinh vé hai diém M, N biéu dién cac cung c6 so do la:
™ ™ ¥
A.:z::§+2k7r. B.x:—§+/{:7r. B
7r 7 s i
C.x=—+knr. D.o=—+k—.. ' By
3 3 "2 £ CHRE
Cau 23. Trén duong tron lugng giac goc A, cho diém M xac y )
dinh boi sd AM = =. Goi M, 1a diém déi ximg ciia M N
3 B’
qua truc Oz . Tim sb do cta cung luong gidc AM -
~ -5 N T
A. sd AMlzT—H{:QW,kGZ B. sd AM1:§+I<:27T,I€€Z
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C.sdAMI:%TJerW,kEZ D.sdAMlz_?ﬁJrkw,keZ

A ., -/ \ A ;oA -2 Lo . o, T
Cau 24. Goc lugng gidc nao sau day co6 cung diém cudi voi goc e ?

A -Z B. = c. 3T p. - 5T
4 4 4 4
Céu 25. C6 bao nhiéu diém M trén duong tron dinh huéng gbc A théoa man AM = % + MTW ,
kelZ.
A. 6. B. 4. C. 3. D. 8.

Ciu 26. Cho g < a < 7. Két qua dung 1a

A. sina > 0, cosa > 0. B. sina < 0, cosa < 0.

C. sina > 0, cosa < 0. D. sina < 0, cosa > 0.
Cau 27. Trong cac gia tri sau, sin « c6 thé nhan gia tri nao?

A. —0,7. B. %. C. 2. D. %

Cau 28. Cho 27 <a < 577 Chon khéng dinh ding.

A. tana > 0, cota < 0. B. tana < 0, cota < 0.
C. tana > 0, cota > 0. D. tana <0, cota > 0.

Ciu 29. O goc phan tu thir nhét ciia dudng tron luong giac. Hay chon két qua ding trong cac két
qua sau day.

A. cota < 0. B. sina > 0. C.cosa<0. D. tana < 0.

Céu 30. O gbc phan tu tht tu ciia dudng tron luong gidc. hiy chon két qua ding trong cac két qua
sau day.
A. cota > 0. B. tana > 0. C.sina>0. D. cosa > 0.

Ciu 31. Cho %” < @ < 27 .Xét cau nao sau day dang?

A. tana > 0. B. cota > 0. C. cosa>0. D. sina > 0.
Cau 32. Xét cac ménh dé sau:

> 0.

> 0. 1L sin[%—a

> 0. IIL tan[%—a

1. cos [z -«
2

Ménh dé nio sai?
A. Chi L. B. Chi II. C. Chi II va III. D.Cal, Il va Il
Ciu 33. Xét cac ménh dé sau day:

I.cos[a—{—% > 0.

<0. I1. sin[oﬁ—g

<0. IH.Cot[oH—g

Ménh dé nao ding?
A. Chi II va III. B.Cal, II va IIl. C. Chi L. D. Chilvall
Céau 34. Cho hai goc nhon o va ¢ phu nhau. H¢ thirc nao sau day la sai?

A. cota = tan (. B. cosa =sinf3. C.cos@ =sina. D.sina=—cosf.
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Cau 35. Trong cac dang thiurc sau, dang thirc nao dung?

A. sin (1800 — a) = —cosa. B. sin (1800 — a) — —sina.

C. sin (1800 - a) =sina. D. sin(1800 - a) = cosa.
Ciu 36. Chon déng thirc sai trong cac dang thirc sau

A. sin[g—x = CoSZT. B. sin[%—k:z:]zcos:z:.

C. tan[g—x]:co‘cx. D. tan[g—kx]:cotx.
Céau 37. Trong cac ménh dé sau, ménh dé nao ding?

A. Cos(—x) = —COSZ. B. Sin<x — 77) =sinz.

C. Cos(ﬂ—x):—cosx. D. Sin[%—x]:—cosx.
Ciu 38. Khang dinh nao sau day 1a sai?

A. sin (—a) = —sin«. B. cot (—a) = —cota.

C. Cos(—a) = —cosao. D. tan(—a) = —tanc.
Ciu 39. Khiang dinh ndo sau day dung?

A. sin (—x) = —sinz. B. cos (—x) = —COoSZ.

C. cot(—x) = cotz. D. tan(—x) = tanz.
Cau 40. Chon h¢ thuc sai trong cac hé thic sau.

A. tan[%—x]:cotx. B. sin<37r—x):sin:1:.

C. cos<37r — :z:) = CcoSZT. D. cos(—:z:) = CcoSZI.

CAu 41. Cho biét tan o = % Tinh cot o

A. cota = 2. B. cota:i. C. cota:%. D. COtOé:\/E.
Cau 42. Trong cac cong thirc sau, cong thirc nao sai?

A. sina+cos’a=1. B. 1+ tan’a =

2

[aiz—i-kw,kez
cos” « 2

C.l1+cot’a =

(a = km, k € Z). D. tana + cota = l[a = ]%T,k’ ez

sin” «
A . 3 .7 e .
Cau 43. Cho sma:g Va5<a<7r.G1a tri cua cosa la:

AL B.—2. .+, p. 10
5 5 5 25

Cau 44. Cho cos :% VOi 0 < a < g Tinh sin .
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

A. Sina:l. B. sina:—l. C. Sinazﬁ. D. Sina::tﬁ.
’5 5 5 5
Tinh « biét cosa =1
A o=kt (keZ). B. o = k27 (keZ).
C.a=g+k’27r (kez). D.o=-—n+hk2r (keZ).
2 |7 ., 3
Cho cosa:—g §<a<7r . Khi d6 tan o bang
NI NECIY e ¥2 p. 2L
3 5 5 2
Cho tana:\/g,vdiﬂ<a<3§.Khidécosoz bang:
A. —ﬁ. B. /6. c.ﬁ. D. L.
6 6 6
Cho sina:§<90°<a<1800).Tinh cot .
A. cotazé. B. cotazé. C. cota:—é. D. cota:—é.
4 3 3 4

A . \ . . : 2 ,
Trén nura duong tron don vi cho goc « sao cho sina = 3 va cosa < 0. Tinh tan «.

A —— C.—. D. 1.
5

—215 g 25 —2
s S

Cho sma:§vag<0z<7r.Khldo cosa ¢ gia tri la.

2 12 8 22

A. cosa = ——. B. cosa = —. C. cosa = —. D. cosa = ———.
3 3 9

. 1 T™ e .
Chos1nx+cosx:—Va0<x<§.Tmhglatr1cuasm:c.

A.sinx:1+\/;. B.sinle_\/?. C.sinx:1+\/;. D. sinz = _\/?.
6 6 4 4
Cho P — SBIML ZCOST it ona — 2. Gid tri cila P bang
sinz + 2cosz
NS B 22 e p. 3
9 3 9 4
Cho tanz = 2.Gi trj bidu thirc P = S50L T OCOST 4,
2sinz — 3coszx
A. 2. B. 13. C. 9. D. —2.

Cho tam giac ABC déu. Tinh gia tri ctia biéu thic
P = COS(AB,BC) + COS(BC,CA) + COS(CA,AB).
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3 3 33 343

A.P=2, B.P=-2. C.P= .
2 2 2 2

Cau 55. Cho tana — 2. Tinh gi4 tri bidu thirc P — 250 = COSa

sina + cosa

5

A. P=2. B. P=1. C.P:§. D. P=-1.
" ) 3 . 0 0 s 12 , cota —2tana |,
Cau 56. Cho sina = —va 90" < o < 180". Gia tri cua biéu thuc £ = la:
5 tana + 3cot o
= - c. L I —
57 57 57 57
Céu 57. Cho tana = 2. Gid trj cila A — S5O T COSA 1.
sin o — cos «
A. 5. B.é. C.7. D.Z.
3 3

Ciu 58. Biét tana =2 va 180° < a < 270°. Gi tri cosa + sin a bang

A - B.1 5. .35 p, Y31,
5 2 2
Cau 59. Biéu thitc D = cos® z.cot’  + 3cos” z — cot’ z + 2sin®  khong phy thudc z va bang
A. 2. B. 2. C. 3. D. -3
2
Ciu 60. Don gian biéu thic A = 2eos w1 ta co

sinx + cosz
A. A=cosz+sinzx. B. A =cosz—sinz.
C. A=sinz —cosz. D. A= —sinz —cosz.
Ciau 61. Biéu thirc:

20037

A= cos(a + 267r) — 2sin(a — 77r) —cosl,5m — cos[a + ]+ cos(a — 1,57r).cot(a —87r)

c6 két qua thu gon bang:

A. —sina . B. sina. C. —cosc. D. cosa.
Ciu 62. Don gian biéu thirc A = cos [% — a] + sin [g — a] — Ccos [% + a] — sin [g + «, ta co:
A. A =2sina. B. A =2cosa. C. A =sina —cosa. D. A=0.
Cau 63. Biéu thic P = sin(w + z) — cos [g — x|+ cot (27r - x) + tan 3% — 2| ¢6 biéu thire rat
gon la
A. P =2sinz. B. P = —2sinzx. C. P=0. D. P = —2cotz.
Cau 64. Cho tam giac ABC' . Bang thuc nao sau day sai?
A.A+B+C=m. B.COS(A—{—B):COSC.
C. sinA+B:cosg. D. Siﬂ(A—{—B):sinC.
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Ciu 65. Don gian biéu thirc A = cos[a — g] + sin (a — 77), ta co

A. A =cosa+sina. B. A = 2sina. C. A =sina — cosa. D. A=0.
Ciu 66. Cho A, B, C 1a ba goc ctia mot tam giac khong vudng. Ménh dé nio sau day sai?
A. tan A+ B = Cotg. B. cot A+ B = tang.
2 2 2 2
C. cot(A+B):—cotC. D. tan(A—i—B):tanC.

Cau 67. Rut gon biéu thirc 4 = cos(7r — a) + sin {% + a] + tan [37” — a].sin(27r — a) ta duoc

) A. A =cosa. B. A =—cosa. C. A=sinao. D. A = 3cosa.
PHAN II. BAI TAP PUNG/ SAI

Cau 1. Doi so do cua cac goc sang radian. Khi do:

Ménh dé Ping | Sai
a
) 30" = Zrad
6
b) ’
15 = Lrad
T 12
c .
M 130 = U7 g
15
d .
) —495 = —13—7Trad
4
Ciau 2. Dai s6 do cua cac goc sang do. Khi do:
Ménh dé Piing | Sai
a .
) 3—7de =135
4
b .
) ~ " rad = —0,5
360
c .
) 31—7de =27
2
d) | —4rad ~ —229,18

Ciau 3. Biéu dién goc luong giac trén duong tron luong giac. Khi do:
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Ménh dé

Dung

Sai

1

a) | 125°1a diém M thudc goc phan tu thir thi IT

b) | 405'1a diém N thudc goc phan tu thir 11T

c . .
) 19% la diém P thudc goc phan tu thu 11

d . 3
) — 13?% la diém ) thudc goc phan tu thu IV

Ciau 4. Biéu dién goc lugng giac trén duong tron luong gidc. Khi do:

Ménh dé

Dung

Sai

a) | 36" + k360 ,k € Z ladiém M thudc goc phan tu thir 1]

b) | —60" + k180", k € Z la cac diém M, M, thudc goc phan tu thir II va IV

c 1
) —g +k2mk € Z 1a M thude gbc phan tw the 111

d| 7«

-5 + k%k € Z labdn diém M, N, P,Q thudc goc phan tu thi I, 11,111, IV

Cau 5. Cac ménh dé sau ding hay sai?

Ménh dé

Dung

Sai

a) | 1127 ,—313" ¢o cung diém biéu dién trén dudng tron luong gidc

b) | 1127°,—674 c6 cing diém biéu dién trén dudng tron luong giac

c . L
) 61% , —19% c6 cung di€m bicu dién trén dudng tron lwong giac

d . L x
) 61?% , —Zij’TW c6 cung diém bi€u dién trén duong tron lugng giac

Ciu 6. Cac ménh dé sau ding hay sai?

Ménh dé

Pbung

Sai

a) | 756°,—324" c6 cung diém biéu dién trén dudng tron lugng giac

b) | —324°,36" c6 cung diém biéu dién trén duong tron lugng giac

©) | 367,216  c6 cung diém biéu dién trén dudng tron luong giac
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d)

417 1 A A gk .
— Tﬁ , % c6 cung di€ém bicu dién trén dudng tron luong giac

Cau 7. Trong hinh vé bén, ta xem hinh dnh duong tron trén mot banh 1ai tau thuy twong tng voi
mot duong tron luong giac.

tu thir I1T ciia duong tron luong giac thoa man AOM = 218

Ménh dé Ping | Sai
a) | Cong thirc tong quat biéu dién goc lugng giac (OA,OB) theo don vi radian:
(OA,0B) = §+ k2n(k € Z);
b) | Cong thirc tong quat chi ra goc lugng giac trong tng véi bon diém biéu dién
la A,C,E,G theo don vi radian I k%(k €7)
¢) | Cong thic tong quat chi ra goc luong giac twong tng véi hai diém biéu dién 1a
A, E theo don vi d6 1a: k180 (k € Z)
d) | Cong thirc tong quat biéu dién goc lugng giac (OA,0C) + (OC,0H) theo don
vi radian: %—F k2n(k € Z)
Cau 9. Cac ménh dé sau ding hay sai?
Ménh dé Ping | Sai
a) | Piém biéu dién cua goc luong giac c6 s6 do 218 1a diém M thude goc phan

b)

Diém biéu dién ctia goc luong gidc ¢6 s6 do —405 1a diém N thudc goc phan

tu thir IV cta dudng tron lugng giac thoa man AON = —45

)

- A R - X , , 7 r A 25T . Lz ~ , A
biém biéu dién cua géc luong giac c6 so do e la diém P thudc goc phan

—

tu thir [ cua duong tron Iugng giac thoa man AOP = %

d)

Piém biéu dién cua goc luong giac co s do 157” 1a diém Q(0;—1) thudc duong

—

tron lugng giac thoa man AOQ = —g

Céau 10. Tinh dugc cac gia tri lugng gidc cua goc a = %—k k2 (biét k € 7). Khi do:
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Pbung

Sai

a) \/5

sinoe = ——

2

b)
cosa = ——
2

<) tana = \/g

d) 5

cota = ——

Cau11.Cho 0° < a < 90". Khi d6:

Ménh dé

Dung

Sai

a)

b)

A

B
©) | ¢ = tan
d|p

Cau 12. Cho biét sina = %,cosa = —%. Va céac biéu thirc: A = sin {g — a] + sin(m + «a);

B = cos(m — a) + Cot[g - oz] . Khi do

Ménh dé

Dung

Sai

a) | A =cosa—sina

b) | B =cosa+ tana

c
"avp=2
20

d
| yp 2
20

Cau 13. Biét: cosz = i voi 0 <z < g Khi do6:

Ménh dé

Pbung

Sai

a) | sinz <0

b) \/E

sing = ———

4

<) tanx = \/B

d) 1

cotr = ——
V15

Cau14. Cho 0 < o < % Khi do:
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Ménh dé Ping | Sai
a) | A=cos(a+m)<0
b) | B =tan(a—m) >0
¢)
C' = sin a+2?7r <0
d)
D = cos a—% <0

Ciu 15. Biét: sina = %% < a < 7. Khi do:

Ménh dé Piing | Sai

a) | cosa <0

b) 5

COS¥ —= —

c)

tano = —

d)
cota = —

ol 2

Cau 16. Bibt: cota =v2 +1,0 < o < %.Khi do:

Ménh dé Piing | Sai

a) | [cosa>0

sina >0

b) tana:\/a—{—l

c) /2_\/5

sina = T
9 V2442
cosa = T

~ DE ON TAP BAI 1: “GIA TRI LUQNG GIAC CUA GOC LUQNG GIAC”
PH~AN I. Cau tric nghiém nhiéu phwong an lya chon. Thi sinh tra 19i tir cAu 1 dén cau 12.
Moéi cau hoi thi sinh chi chon mgt phwong dn.

Céu 1. Goc c6 sb do i d6i sang do bang

A.7°. B. 7°30'. C. 8°. D. 8°30’.

Céu 2. Mot dudng tron ¢6 duomg kinh 1a 50 (cm ). D6 dai clia cung tron trén duomg tron c6 s6 do

la % bang (1am tron dén hang don vi):
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A. 40(cm). B. 39(cm). C. 19(cm). D. 20(cm).
Ciu 3. S6 do theo don vi radian ciia goc 315° 1a

7T 7T C 2_7r 47

AL B. . D. =~
2 4 7 7 )

Cau 4. biém M trong hinh v€ sau la diém biéu dién cua goc «.

SO0 docua « la

A.a:—§+k2w,kez. B.a:—%ﬂww,kez. )
1
T 5T e 3"
C.a:§+k27r,kEZ. D.a:—€+k2ﬂ,k€Z.

Cau 5. Trén duong tron ban kinh » = 5, d¢ dai ctia cung do % la:

=37 c.i=" Y
8 8 3
CAu 6. Khi biéu dién cung lugng giac trén duong tron lugng gidc, khing dinh nao dudi day sai?
A. Piém biéu dién cung o va cung ™ — o d6i xtng nhau qua truc tung.
B. Diém biéu dién cung o va cung —av ddi ximg nhau qua gc toa do.
C. Mdi cung luong giac duge biéu dién boi mot diém duy nhat.

Al=", B. |
8

D. Cung o vacung o + k27r(k € Z) ¢6 cung diém biéu dién

Céu 7. Chon déng thirc sai trong cac dang thic sau

A. sin z—:z: = COSZT. B. sin z+:z: = COSZ.
2 2
C. tan[g—x]:cotx. D. tan[g—kz]:cotm.

Cau 8. Biét tana = —3. Tinh tan[a — %T]

A.—l. B.l. C.3. D. 3.

3 3
Cau 9. Trong cac cong thirc sau, cong thirc nao sai?

A.sina+cos’a=1. B. 1+ tan’ o = - azz—i—lm,kEZ.
cos” « 2
2 km
C.l+cot"a= (ailm,keZ). D. tana+cota =1|a = —,k € Z]|.
sin” « 2
Cau 10. Cho sinaz%vég<a<7r.Giétri cua cosa la:
AL B. 2. c.+2. p. 10,
5 5 5 25
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Ciu 11. Mot vat dao dong diéu hoa theo phuong trinh = = 1,25 005[27715 — %) (em) ( t do bang

gidy). Tinh quing dudng vat di duoc sau thoi gian ¢ = 2,5 s ké tir luc bt dau dao dong.

A. 4,21(cm).

B. 3,21(cm). C. 1,21(cm). D. 2,21 (cm).

Céu 12. Cho g < a < 7. Két qua dung 1a

A. sina > 0, cosa > 0.
C. s}na >0, cosa <0.
PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 16i tir cdu 1 dén cdu 4. Trong mdi y a), b),

B. sina < 0, cosa < 0.
D. sina < 0, cosa > 0.

¢), d) 6 moi céu, thi sinh chgn ding hoic sai.
Cau 1. D61 s6 do cua cac goc sang radian. Khi do:

Ménh dé

Diing

Sai

(@

(b)

(©)

132" = 17 g
15

(d)

Céau 2. Buong

—495 = —Kj)Tﬂrad

kinh cua m{t banh xe may 1a 60 (cm) .
Ménh dé

Pung

Sai

(@

Do dai cung 40° clia mot banh xe gan bang 20,94 (cm), két qud lam

tron dén chir so thdp phan thir 2.

(b)

Mbi banh xe phai lin mot vong thi ngudi di xe di dugc quing duong
94,2 (Cl’l’l) , két qua lam tron dén chir so thdp phan thir 1.

(c)

Dé ngudi di xe di duge quing dudng 2 (km) thi mdi banh xe phai lan
1000 vong

(d)

Cau 3. Tinh dugc cac gia tri luong giac cia goc «, biét: sina = —

Néu xe chay vdi van tée 50 (k;m / h) thi trong 5 gidy banh xe quay
dugc gan 36,9 vong.

J1 o

4
Ménh dé

Ty <o <0.Khids:

Diing

Sai

(@

cos’ a = —
1

(b)

cosq = ——
4

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phuong




Hoc dé khing dinh minh!

(¢) | cota = —i

J7
1637

(d) | tana + cota = ———
23

Céu 4. T mot vi tri ban dau trong khong gian, vé tinh X ch}lyén dong theo quy dao 1a mot duong
tron quanh Trai Dat va ludn cach tam Trai Dat mot khoang bang 9200%m . Sau 2 gio thi v¢ tinh X
hoan thanh hét mgt vong di chuyén.

Ménh dé Piing | Sai

Quing duong vé tinh X chuyén dong duoc sau 1 gio la:
@) | ~ 28902, 65(km).

Quing duong vé tinh X chuyén dong dugc sau 1,5 gio la:
(b) | ~ 43353,98(km)

(¢) | Sau khoang 5,3 gio thi X di chuyén dugc quing dudng 240000 km

Gia st vé tinh di chuyén theo chiéu duong cta dudng tron, sau 4,5 gid

(d)

A PRSP ° ¢
thi v€ tinh v€ nén mot goc ?rad

PHAN III. Cau tric nghiém tra 16i ngan. Hoc sinh tra 10i tir cdu 1 dén cau 3.
Cau 1. Goi M,N,P la céc diém trén duong tron luong giac sao cho s6 do cac goc luong giac

(0A,0M),(0A,ON), (0A,0P) lan lugt bing g%—% va MN = NP = 2. Tinh dién tich tam
giac MNP . Két qua lam tron dén chir sé thdp phan thir 2.
Céiu 2. Biéu thuc sau: T = QSin[%T — x] + 3cos<197r — x) = kcosx.Khidd k=7

Cau 3. Mot banh xe c6 duong kinh ké ca 10p xe 1a 55¢m . Néu xe chay véi toc do 50km / h thi
trong mot gidy banh xe quay dugc bao nhiéu vong? (Két qua duoc 1am tron dén hang phén tram).
PHAN IV. Ty luin

Cau 1. Cho tanz = % . Tinh gi4 tri cta cac gia tri lugng giac con lai.

T
< r<——
2

Cau 2. Ching minh D = sin

57#—a)+cos(137r+oz)—3sin<a—57r) = 3sin«

Chii diém: Céng thirc lwong giac
Dang 1: Cong thirc cong
Cau 1. Rat gon céc biéu thuec:

\/Ecos a— 2 cos Z—l—a]

a) A= b) B = (tan a— tan b)cot(a—b)—tan atan b

—\/5 sin a + 2 Sin[Z—i—a

Cau 2. Tinh gia tri cia cac bi€u thure sau:

a)A:cos[:c+§] biét sinx:ivé0<x<g

J3
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1 1
b) B = cos(a—l— b).cos(a — b) biét cosa = — va cosb = —
3 4
Céau 3. Tinh céc gia tri lugng gidc sau:

a) tan oH—z khisina:§,£<oz<7r.
3 5 2

b) cos| = — o khlsmoz——2 3—7T< < 2.
3 137 2

c)cos(a + b)cos(a — b) khi cosa = l cosb = l
3 4
d)sin(a — b), Cos(a + b), tan( ) khi sina = i, tanb = S va a, b 1a cac gdc nhon.
17 12
Dang 2: Cong thirc nhian déi
Cau 1. Tinh céc gia tri lwgng giac cua cac goc 2a biét
a)cosa:i,0<a<z b)sinozzl,0<a<z
13 2 4 2

Cau 2. Cho sina = g, VOl o €

g;w]. Tinh gia tri cia £ = sin 2« + tan 2a.

CAu 3. Tinh gia tri ciia cac biéu thirc sau:
3sinz +4coszx
4cotzx + 3tanz

a) Cho tang = 2. Tinh A =

b) Cho sinxz = —% va 3% < z < 2w . Tinh cosE va sinE
¢) Cho tans — —— . Tinh B = — 5027
15 1+ tan2z

2sin 2z — cos2x

d) Cho tan = — L Tinh ¢ =
2 2 tan 2z 4 cos2z
Céau 4. Chirng minh cac h¢ thirc sau:

a)sin' r + cos' z = 3 + Lcosde. b)sin’® 2 + cos’ x = 5 + 3 cosda
4 4 8§ 8
: 3 -3 1 .
c)sin z.cos’ ¥ — cosz.sin’ z = Zsmélx :
Dang 3: Cong thirc bién dbi tich thanh tong

Ciu 1. Chirng minh rang 4 cos  cos [% — x] cos

g—l—x] = cos3z,v01 1z € R.

Cau 2. Chirng minh S = cos® z + cos [23 + 1:] + cos’ [2? — :1:] khong phu thudc gié tri cia z

Ciu 3. Bién d6i thanh tong
a) 2sin(a + b)cos(a — b) b) 2cos(a + b)cos(a — b)

¢) 4sin 3xsin2xcosx d) 4sin % CoS T cosg
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e) sin(z + 30")cos(z — 30") f) singsin%
g) 2sin zsin 2z sin 3z h) 8coszsin 2z sin 3z
i) sin [x + %] sin [;z: - %] cos 2z k) 4 cos(a —b)cos(b — ¢)cos(c — a)
Dang 4: Cong thirc bién dbi tong thanh tich
Ciu 1. Bién do6i mdi biéu thirc dudi day thanh mot tich:
a) sinz + sin 2z 4 sin 3z b) sinx + sin3x + sin b5z + sin 7z

C) cosz + cos2x + cos 3z 4 cos4x d) COST 1 cosy
COST — COS Y
Céau 2. Chirng minh

a) cosdHxcos3z + sin7xsinx = cos2z cosdx

b) sinbx — 2sinx (cos 2z + cos 4x> =sinzx

¢) cosbxrcosz + sin3zsinx = cos 2z cos4dx

d) 2 (sin a cos 2a — sin 2a cos Sa) + sin ba = sin 3a

Céu 3. Rut gon biéu thic M = sin b5z — 2sinz (cos 4x + cos 2$)

Dang 5: Ung dung trong tam giac
Quy wéc: Cho tam gidc ABC goi a,b,c 1a ba canh ddi dién ctia ba goc A, B,C'; h,,h,,h, laba

3 0

duong cao; m_,m, ,m_la ba dudng trung tuyén; 1,1, 1a ba dudng phan giac; r 1a ban kinh

> brtpote
. e X N \ DA a+b+c . . :
duong trong ndi ti€p ; R 1a ban kinh dudng trong ngoai tiép va p = ——— la nira chu vi.
Diéu kién A,B,C lab iac | 4,5,0
1eu kien A, B,C la ba gbc cuia mot tam giac la nén suy ra
; 8 8 A+B+C=n Y
A4B=n-c A8 _1_C
2 2 2
Pinh 1y ham s& césin @ a® =b 4+ —2bccosA, b =da’ +c® —2accos B,
¢ =a* + b —2abcosC
2 2 2 2 2 2 2 2 2
Suyracosd =L T =0 pote b e tb-c
2bc 2ac 2ab
Dinh Iy ham sb sin: o _ 0 ¢ 2R

sind sinB B sin C B
suyra a = 2Rsin A,b = 2Rsin B,c = 2RsinC

Cong thuc tinh di¢n tich § = %ah@ = %absinC = % = pr = Jp(p—a)(p—b)(p—c).

A
2bc cos —
Cong thirc phan giac [, = ———= ...
g p g A bt o
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Hoc dé khing dinh minh!
b2 + CQ a?

2 4
Céu 1. Tim cic goc cua tam gidc ABC', biét:

Cong thirc trung tuyén mj =

geoee

a)B—-C = %, sin B.sinC' = % b)B+C = 2?7, sin B.cosC = ! +4\/§.
Ciu 2. Chirng minh trong moi tam giac ABC' ta déu c6
a) sin A +sin B+ sinC = 4COS§COS§COSQ;
b) sin® A + sin® B +sin” C' = 2(1 + cosAcosBcosC’).
HE THONG CAU HOI TRAC NGHIEM
Cau 1. Trong cac cong thirc sau, cong thirc nao ding?
A. cos (a — b) = cosa.sinb + sina.sin b. B. sin (a — b> = sina.cosb — cosa.sinb.
C. sin(a + b> = sina.cosb — cosa.sinb. D. Cos(a + b> = cosa.cosb + sina.sinb.
Cau 2. Trong cac cong thirc sau, cong thirc nao dung?
tan(a _ b> _ tana + tanb .
A. 1 —tanatanb B. tan(a—b) = tana — tanb.
tan<a+ b) _ tana + tanb .
C. 1 —tanatanb D. tan(a+b) = tana + tanb.
Cau 3. Biéu thic sinzcosy — coszsiny bang
A. cos(x—y). B. cos<x+y). C. Sin<x—y). D. Siﬂ(g/—x).
Ciau4. Chon khing dinh sai trong cic khang dinh sau:
A. cos(a+b) = cosacosb+sinasinb.  B. sin(a+ b) = sinacosb + cosasinb.
C. sin(a — b) = sinacosb — cosasinb. D. cos2a = 1—2sin’a.

Cau 5. Trong cic khang dinh sau, khang dinh nio sai?
a+b . a—-b
sin :
2

C. sin(a — b) = sinacosb — cosasinb. D. 2cosacosb = cos(a — b) + cos(a + b).

A. sina —sinb = 2cos B. Cos(a — b) = cosacosb —sinasinb.

Ciau 6. Rut gon biéu thirc: sin(a - 17°).cos<a + 130) — sin(a + 13°).c0s<a - 170) , ta duogc:

A. sin 2a. B. cos2a. C. —l. D. l
2 2

Cau 7. Ding thirc nao sau ddy la dang.

T 1 s )
A. cos|la+—|=cosa+ —. B. cos|la+—|=—sina— —cos«.

3 2 3 2 2
C. cos oH—z zﬁsina—lcosa. D. cos a—{—z = —coso ——sino.

3 2 2 3 2 2
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Cau8. Cho tano = 2. Tinh tan[a — g]

A.—l. B. 1. C.g. D.l.
3 3 3
Cau 9. Trong cac cong thirc sau, cong thirc nao sai?
tr—1 2t
A. cot2r = 2T B. tan2zs = ——2%
2cotx 1+ tan’z
C. cos3z = 4cos’ z — 3cosz. D. sin3z = 3sinz — 4sin’ z
Cau 10. Trong cac cong thirc sau, cong thirc nao sai?
A. cos2a = cos’ a — sin’ a. B. cos2a = cos’ a + sin” a.

C. cos2a = 2cos’a — 1. D. cos2a =1 - 2sin’a.

Céu 11. Cho goc luong giac a. Trong cac khing dinh sau, khang dinh ndo Ia khing dinh sai?
A. cos2a =1—2sin’a. B. cos2a = cos’a —sin’a.

C. cos2a =1—2cos’a. D. cos2a = 2cos’a — 1.

Cau 12. Chon dap an dung.

A. sin2z = 2sinzcosz . B. sin2x = sinzcosz.
C. sin2z = 2cosz. D. sin2z = 2sinzx.

)

Cau 13. Cho cosz = % T €

—%;0]. Gié tri ctia sin 2z 1a

A2 B. 2. c.-L1 D. L.
25 25 5) 5)
Ciu 14. Biét rang sin® z + cos’z = a + bsin® 2z, v6i a,b 1a cac sb thuc. Tinh T = 3a + 45b.
AT =-7. B.T=1. C.T=0. D.T=T7.
Ciu 15. Trong cac ding thuc sau, dang thirc nao sai?
A. cos(a —b) = cosa.cosb + sina.sinb. B. cosa.cosb = %[cos(a +b) + cos(a — b)] .

C. sin(a — b) = sina.cosb — sinb.cosa . D. cosa + cosb = 2cos(a + b).cos(a —b).

Cau 16. Cong thuc nao sau day 1a sai?

A. cosa + cosb = 2cosa+b.cosa_b. B. cosa — cosb = —2sina+b.sina_b.
2 2 2 2
C.sina +sinb = QSina;b.cosa;b. D. sina —sinb = 2sina;b.cosa;b.

sin 3z + cos2x —sinz

Cau 17. Rut gon biéu thirc A = (sin 2z = 0;2sinz +1 = 0>ta duoc:

cosx + sin2x — cos 3z
A. A = cotbz. B. A = cot3z.
C. A = cot2zx. D. A = tanz + tan 2z + tan 3x .
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Ciu 18. Rut gon biéu thuc P = sin[a + g] sin[a — %]

A. —§0032a. B. lcosQa. C. —ECOSQG. D. —lCOSQG.
2 2 2
Cau 19. Bién ddi biéu thirc sin o — 1 thanh tich.
A. sina—1 = 2sin Oz—z CcoS OL—I—E . B. sina—1 = 2sin a_r Cos g—|—z .
2 2 2 4 2 4
C.sina—1=2sin oz+£ cos a—z . D. sinav—1 = 2sin 2+£ CcoS a_r .
2 2 2 4 2 4

Ciu 20. Rt gon biéu thirc P = cosa + 2cos3a + cosba

sina + 2sin3a + sinba
A. P = tana. B. P = cota. C. P =cot3a. D. P =tan3a.

Cau 21. Cho sinz = g voi g < x < 7 khido tan{a: —{—Z] bang.

B._—l. C._—2. D.
7 7

A.

| N
|~

1 : . :
Cau22. Chosina=—=vii 0<a< % Gia tri cia cos[a + g] bang

J3

26 11 1
A. . B. V6 — 3. C.—_-—. D. 6 —=.
26 J6 2 2

Cau 23. Cho hai goc «,( thoa man sina:%, [%<oz <7T] va cosﬁz%, [0<6<g].

Tinh gia tri dung cta cos(a — ﬁ).

A0 B. 2. c. B p. 6
65 65 65 65
Cau 24. Cho sina« :§,Oé € z;3—7T . Tinh gid tri cos 04—21—7T ?
5 2 2 4
A. @ B. i\/g C. _—\/5 p. V2
10 10 10 10

Cau 25. Cho hai goc nhon a va b véi tana = % va tanb = %.Tinh a+b.

AL B c. T p. 2.
3 6

T
T

Cau 26. Cho cosa = %; sina > 0; sinb = %; cosb < 0. Giatri cia cos(a+b>. bé“mg:
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3[ 7

A =1+ —
5 4

el
4

. B2

5t

S cl

5

8] gf)

Ciu 27. Rut gon biéu thirc: 008(120° — :1:) + cos(120° + :E) — cosz ta dugc két qua 1a

A. 0. B. —cosz. C. 2cosz. D. sinz — cosz.

Cau 28. Cho sina = g; cosa < 0; cosb = %; sinb > 0. Gia tri sin(a—b) bé“mg:

A.—%[\/?—l—%]. B. —%[\/?—9]. C.%[\/?+%). D.%[\/?—g].

4 4
Cau 29. Cho sin2a = % Tinh gia tri biéu thirc A = tana + cota

AA=2 B.A=2 c.oA=2 D.A=15
3 3 3 3

Cau30. Cho a,b la hai goc nhon. Biét cosaz%,cosb:i. Gia trj cia biéu thic

cos (a + b)cos (a — b) bang

A -2 B. — 12, c. -2 p. - 11T
144 144 144 144

CAu 31. Cho sb thuc « théa mén sina = i Tinh (sin 4o+ 2sin 2a>cos «

A2 B. . c. 22 D. 222
128 16 128 128

Ciu 32. Rut gon biéu thic A = sinz + sin 2z + sin 3z

cosx + cos2z + cos3x

A. A = tan6z. B. A = tan 3x.

C. A = tan2r. D. A = tanx + tan 2z + tan 3z.

Ciu 33. Rt gon biéu thirc M = cos2z.cos z + sin 2z.sin 2 ta duoc két qua la:

A. M =cosz. B. M = cos3z. C. M =sinzx. D. M = sin3zx.

CAu 34. Bién d6i biéu thirc sina + 1 thanh tich.

A.Siﬂ(L—FlZQSiDE—I—ECOSg—E. B.Sina—Fl:QCOSE—I—ESing—E.
2 4 2 4 2 4 2 4

C.sina+1=2sin a—l—z CcoSs a—z . D. sina +1 = 2cos a—l—z sin a—Z .
2 2 2 2
2 . ) 2
Cau 35. Cho goc « thoa man g<a<7r va sin%:—.Tinh gia tri cua biéu thuc
5

A = tan ﬂ_ﬂ_
2 4
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AA=L. B.A—_ L C. A=3. D. A=_3.
3 3
Cau 36. Cho cosz :% —g <z <0|. Giatri cia tan2z 1a
NECH g A2 c. 35 p, 42
9 7 9 7

CAu37. Cho sina.cos(a+ 3) = sin § véi a + ¢g+k7r, o= gww, (k1€ Z). Taco

A. tan(a—l—ﬁ)chota. B. tan(a+6):200tﬂ.
C. tan(a—i—ﬁ):Qtanﬁ. D. tan(a+6):2tana.

Cau 38. Cho cos2a = % Tinh gia tri cua biéu thirc P = cos cv.cos 3.

A.P:l. B.P:Z. C.Pzé. D.i.
18 9 9 18
. 3T e .. T .
Cau39. Chotanz =2|n <z < 7 . Gia tri cua sm[:z:—kg] la
23 2443 2443 —2++/3
A. . B. — ) C. ) D. ———.
25 25 25 5
Cau 40. Cho hai goc nhon a va b véi sina = % sinb = % Gid trj cia sin2(a + b) la:
NEZERYE p 22473 a3 52473
' 18 ' 18 ' 18 ' 18
A . L, . 1 1 1
Cau4l. Cho A, B, C la ba la cac goc nhon va tan A = 5; tan B = g, tanC = g Tong
A+ B+ C bang
Az B. L. c. =, D. =,
5 4 3 6
Ciu 42. Biét A, B, C l1a cac goc cua tam giac ABC, khi do.
A. cot A+ B =cot£. B. cos A+ B = cos—
2 2
C. cos A+B = —cosg. D. tan A+ = cotg.
2 2 2
Cau43. A, B, C, laba goc cua mét tam giac. Hay tim hé thurc sai:
A. sinA:—sin(2A+B+C). SinA:—COSw
B.
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A+ B+ 3C

C. cos(C = sin D. sinC:sin(A+B+20>.

Ciu 44. Biét A, B, C 1a cac goc cua tam giac ABC, khi do.

A. sin[A+B]:cos%. B. Sin{A+B]:—cos—
C. sin[A+B]:sin%. D. Sin[A+B]:—Sing.
Ciu 45. Néu a = 2b vaia + b+ ¢ = w. Hay chon két qua ding.
A. sin b(sin b + sin c) = sin2a . B. Sin b (sin b+ sin c) = sin’a.
c. sin b(sin b 4+ sin c) = cos’a. p. sin b(sin b+ sin c) = cos2a.
Cau4d6. A, B, C, laba goc cua mot tam giac. Hay chi hé thirc sai:
A. cot[w]:—tan%. B. cos w = —sin B.
C. sin [M—_SC’] = cos2C. D. tan [A+B_+60] = —cotg.
Ciu 47. Biét A, B,C 1a cac goc cta tam giac ABC khi do.
A. cosC:cos(A+B). B. tanC’ztan(A—FB).
C. cotCz—cot(A—l—B). D. sinC:—sin(A+B).
Cau 48. Cho tam gide ABC c6 sin A = SEBHSMC wy 20 dinh nao duci day ding?
cos B + cosC
A. Tam giac ABC vudngtai A. B. Tam gidac ABC cantai A.
C. Tam gidc ABC déu. D. Tam gidc ABC' la tam gidc tu.
Cau 49. Cho A, B, C laba goc cia mot tam gidc. Hay chi ra h¢ thirc SAL
. A+ B
A. sm%wzcosa B. cos<A+BfC’):fcos2C.
Cau 50. Cho A, B, C laba gboc cia mdt tam giac. Hay chi ra hé thuc SAI
A. cosA+B :sin%. B. COS(A+B+20):—COSC.
C. sin(A+C):—sinB. D. COS<A+B>:—COSC.
PHAN II. BAI TAP PUNG/ SAI
A . A . 1 . . 1y
Caul. Chobiétsina=—=va — < a < w.Khi do:
M¢nh dé | Piing | Sai |
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a) 2\/_
cosq = ———
b) 4\/_
sin2q¢ = ———
c
) cos2a = Z
9
d)
cot2a = 7—

Cau 2. Cho biét sina =

Cnloo

g<a<7r.Khidé:

Ménh dé

Dung

Sai

a) | cosa <0

b)

cosq = ——
3]

c) 3

tano = —

4

d)

18 —3

11

tan

™
a+—|=
3

Cau 3. Cho biét sina = —2 3—7T < a < 27 . Khi do:

137 2

Ménh dé

Pbung

Sai

a) | cosa >0

b) 5
COSsx = —
13

©) 12
tano = ——

26

d) [71' ] 5—\/5
coS E—a

Caud. Chobiét tanz = /2 va 0 < z < 90°. Khi dé:

Ménh dé

Dung

Sai

a) | cosz >0

b)

COST =

¢)

sinx =

|5 ]

d)

36
6

cos(az — 300) =
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Ciu 5. Biét sina = %,tanb = % va a, b 1a cac goc nhon. Khi do:

Ménh dé Piing | Sai
a
) tana = i
b
) sin(a —b) = 21
221
c
) cos(a +b) = u
22
d
) tan(a + b) = H
14
Cau 6. Biét tana = 2. Khi do:
Ménh dé Ping | Sai
a
) cota = —l
b
) cos2a = _3
5
c
) sin 2a0 = é
5
d
) tan2a = —é
A . 2w s
Cau7. Cho sina = 32 < a < 7. Khido:
Ménh dé Ping | Sai
a) J5
cosa = ——
3
b) 25
tanoy = ———
©) m V5 —243
cos|—+ a|=
6
d) T \/ﬁ — 2\/5
cos|——a|=———7—
6
Cau8. Cho cotz — —\/5,37” < 2 < 27 . Khi db:
Ménh dé Ping | Sai

a) \/B

siny = ————

10
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b) 5
CoOST = —
1
| . (4n —\/B
sin|——z|=———
3 5
d) T 3
tanjr + —| = —
3 3

Cau9. Cho cosa = %,2% <a< %T, khi do:

Ménh dé Ping | Sai
a) | J21
sina = —
5
b 4421
sin2q¢ = ———
25
c
) cos2a = —H
)
d) _
tan2a = V21
17
Cau 10. Biét: cos2a = g,(f < a <90 Khi do:
Ménh dé Ping | Sai
a) | V28
sinag = —
9
b) V53
cosq = —
9
©) V371
tana = ——
53
d) V371
cotaqq = ——
14
Cau 11. Bién d6i duoc cac biéu thire sau vé dang tich s6. Khi do:
Ménh dé Ping | Sai

a) | cos3x + cosz = 2co0s2x - cos 3

b) | | ) . T
sin 3z + sin 2z = 2sin 2z cos 5

©) . br . 3z
cosdr —cosx = —231n7s1n—

d) | sinbz —sinz = 2cos3zsin 2z

Céu 12. Cho cosz = %g <z < 7. Khi do:
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Ménh dé Ping | Sai
a) .z ~10
sin— = —
2 4
b) r 15
cos— = ——
2 4
©) J6
tan = = ~—
3
D .
cot— = —
2 2

PE ON TAP BAI 2: “CONG THUC BIEN POI LUQNG GIAC”

PHAN I. Céu tric nghi¢ém nhiéu phwong 4n lra chon. Thi sinh tra 16i tir cAu 1 dén ciu 12.

MGi cdu héi thi sinh chi chon mét phwong dn.

Caiu 1. Rat gon biéu thic P = sin [a + g] sin[a — g]

A. —gcos 2a. B. %cos 2a. C. —2cos2a. D. —%COS 2a.

Céu 2. Rut gon biéu thic cos(120° - x) + Cos(120° + 33) — cosz ta duoc két qua 1a

A. 0. B. —cosz C. 2cosz D. sinz — cosz.

Cau 3. Biét sina:i,cosbzﬁ, z<a<7r;0<b<Z
13 512 2

bang:

A, 5. &3 ¢ b, =8
65 65 65

Cau 4. Trong cac cong thirc sau, cong thirc nao sai ?

A. cosba = cos’ 3a — sin” 3a. B. cos6a =1—2sin’ 3a.

C. cosba =1 —6sin’a. D. cos6a = 2cos’ 3a — 1.

Céu 5. Dang thirc nao khéng ding véi moi z?

1+ cosbzx

A. cos’ 3x = B. cos2z = 1—2sin’z.

C. sin2z = 2sinzcosz . D. sin22x:w.

Céu 6. Néu sinz + cosz = % thi sin 2z bang

. Két qua cua biéu thirc sin (a + b)

A3 B3 C.ﬂ. D. =3
4 8 2 4
. cos|azx .
Céu 7. Biet rang — 1 —+ 2.tan;1: = ( > (a,be R).Tinh gia tri cua bi€u
cos"rx—sin“x l—tan’z b—sin(ax)
thitc P =a+0b.
A. P=4. B.P=1. C. P=2. D. P=3.
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Cau 8. Biét sin[a —{—%)—1— cos[a —1—%] = \/5 Tinh Sirl(Oé + 77) — 2cos(a —77).

A2 B ——- C.——

- 1 5

véi a, b nguyén. Tinh a + b.

A.a+b=6. B.a+b=4. C.a+b=2.

Cau 10. Trong céac cong thirc sau, cong thirc nao dang?

A. cos(a - b) = cosa.cosb —sina.sinbd

C. sin(a + b) = sina.cosb + cosa.sinb

Céu 11. Cho tam giac ABC . Gia tri ctia biéu thirc
P = sin® A +sin® B 4 sin® C' — 2cos A cos Bcos C' bang
A. 1. B. 3. C. 2.

Néu 0 < a < 7 thi S khong phu thudc vao z khi a nhén gia tri nao?

2

A.a=—. B.a:2—7rhoéca:4—7r.
5 5

C.a:—%hoéca:%. D.a:4—7r.

PHAN II. CAu tric nghiém ding sai. Thi sinh tra 18i tir cAu 1 dén cAu 4. Trong méi y a), b),

¢), d) & mdi cau, thi sinh chon ding hoic sai.

Caul.Cho 0 <a < g,g <b< 7 vatana = 3;tanb = —2.

1

D. —.

7

A £ . i . . B C
Cau 9. Bict tam giac ABC' c6 cac goc thoa man sin A + sin B + sin C' = a cos — cos — cos —

b

D.a+b=8.

B. sin(a + b) = sina.cosb — cosa.sin b

D. cos (a + b) = cosa.cosb + sin a.sin b

D.O.
Cau 12. Cho biéu thic S = sin z + sin (:z: + a) + sin (:z: + 2a> + sin(a: + 3a> + sin(a: + 4a).

Ménh dé Ping | Sai
(a) | tan (a + 7T) =-3
(b) | tan (a + b) =—1
() cot(a — b) =1
(d) Sin(a—b) = _N2
2
A e . 4 7 3T , A A A , .
Cau 2. Biét sin2a = Y <a< e Céac ménh dé sau day dung hay sai?
Ménh dé Piing | Sai
(a) | A =cos2a = %
(b) B=<1+3sin2a)(1—4C082a>:£
25
.4 4 7
(¢)| C =sin"a+cos" a=—
25
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Hoc dé khing dinh minh!

~7\2

. \
CAu 3. Trong vat 1y, phuong trinh tong quat ciia mot vat giao dong diéu hoa dugc cho boi cong

thitc #(t) = A cos(wt + @) trong d6 ¢ 1a thoi diém (tinh bang gidy), .z (t) 1a 1i do clia vat tai thoi
diém ¢, A la bién d6 dao dong (A > 0). (Ding cho ba y a, b, ¢).

Ménh dé Pung | Sai

D = sin =

(d)

2+ L
A

Néu mot vat giao dong theo phuong trinh z (t) = 5cos|100mt + =
(a) 4
thi li d6 cua vat & thoi diém ban diu 1a 5v/2 .

Mot vat giao dong diéu hoa theo phuong trinh
(b) x(t) =10 sin(507rt).cos<507rt) thi bién do cua giao dong la 5.

Cho hai dao dong diéu hoa cing phuong c6 phuong trinh lan luot 1a
T, = 5cos(1007rt + 7'(') (cm) va z, = 5COS[1007Tt — g] (cm). Khi do

(©) phuong trinh dao dong téng hop cua hai dao dong trén 1a
T = 5\/5 cos

Mot soi cap R duogc gén vao mot cot théng dtng o vi tri cach mat dat
14m . Mot sgi cap S khéc cling duoc gén vao cOt do o vi tri cach mat
dat 12m . Biét rang hai soi cap trén cing duoc gan véi mat dat tai mot
(d) vi tri cach chan cft 15m (Hinh v€ bén dudi). Goi « 1a goc gitra hai

1007t + g] (cm).

s¢1 cap trén khi d6 tana = IETE

PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 10i tir cAu 1 dén ciu 3.

Cau1.Cho tana =2 vd a € o;g]. Tinh 4 = 242 sin%sin {% T g] (két qua lam tron dén

hang phan triam).
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Hoc dé khang dinh minh!
) 1 oty g 12 , :
Cau 2. Cho goc o théa man sina = = Khi d6 gid tri biéu thitc P = cos’ 2z + cos” z bang %.

p ALY ~ £ a . n A K. ey 3
Tinh a + b. Biét rang phan so 3 la phan s6 to1 gian.

Cau 3. Tu mot vi tri A nguoi ta budc hai soi cap AB va

: . , . .. c :
AC dén mdt cai tru cao 15 mét, dugc dung vudng goc voi | e
mat dat, chan tru ¢ vi tri D. Biet CD =9 mét va . bl
— u :
AD =12 mét. Tim goc o« = BAC tao bdi hai sgi day cap b
do6 (lam tron két qua den hang phan chuc cua don vi do). .y ‘ Mo 3

PHAN IV. Ty luin

Céu 1. Rut gon biéu thic T = sin z.sin (% — xj.sin [% + xj

Cau 2. Cho goc luong gidc z € (—g;Oj théa man cosz = ?5 Tinh gi4 tri ciia biéu thirc

) T . T
sin| z + — | va cos| 2z — — |.

Chii diém: Ham s6 lwong giac
Dang 1: Xét tinh chin, 1& ctia ham s6
Cau 1. Xét tinh chin 1é ctia cac ham s6 sau
1+ sin® 2z
a) y = 3cosz +sin’ b)y=——""—
)y )Y 1+ cos3x
, +1* -1
c)y:‘x‘.smx d)y:cosx. f
sin” x
Cau 2. X¢ét tinh chan 1¢ ciia cac ham so sau:
a) y =2zxsinz b) y = cosz + sin 2z.
2
c) y= COS2T d) y = tan’ 2z.sin 5.
T

Céu 3. X4c dinh tat ca céc gid trj clia tham s6 m dé ham s6 y = f(z) = 3msin 4z + cos2z 1a
ham chan.

Dang 2: Tim tap xac dinh

Cau 1. Tim tap xac dinh cua cac ham so sau:

a) y = sindzx b)y:singf—{_1
- —1
202
€)Yy = cos\xT + 2 d) y = cos 025
33—z
Ciu 2. Tim tap xé4c dinh ctia cic ham s6 sau
a) y = tan 2:10—1—z b) y = cot o — L
6 3
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Hoc dé khing dinh minh!

2 1+cosz
C) y=— d)y= \/—
sin 2% —2 —CcosT

Cau 3. Tim tap xac dinh cac ham so sau:

2
a)y:i b)y:COSL c) y=+2—2sinz d) y =+sinzx —1
1—cos2z Vit —1

e)y = %. f)y:tan[a:—kg] g)yzcot[%—%—l_iow.
Dang 3: Tinh tudn hoan ciia ham sb lu’o’ng giac

Céu 1. Tim chu ki tuan hoan cac ham s6 sau

a) y =1—sindz b) y = 2cos” 2z

c) y:tan(—3x+1) d) y =2—3cot(2z—1)

Ciu 2. Xét tinh tuan hoan va tim chu ki (néu c6) ciia cac ham sb sau:
a) y =1—sinbz. b) y = cos’z —1.

¢) y = sin zx cos zx
Y 5 ) 5 )

Cau 3. Gia su khi mdt con soéng bién di qua mot cai coc ¢ ngoai khoi, chi€u cao cua nude dugc mo

d) y = cosz + cos(\/g.x)

hinh hoa béi ham sé A(t) = 90 cos [%t , trong d6 h(t) 1a dd cao tinh bang centimét trén murc

nude bién trung binh tai thoi diém ¢ gidy.
a) Tim chu ki cua song.
b) Tim chiéu cao cta séng, tirc 1a khoang cach theo phwong thing dung gitra day va dinh cia séng.
Dang 4: Khoang don diéu ciia ham s lwong giac
Cau 1. Xét sy bién thién cia moi ham so6 sau trén cac khoang twong mg:
a) y = sinz trén khoang —9—7T,—7—7T , 21—7,23—7T ;
2 2 2 2
b) y = cosz trén khoang (—20m;—197),(—9m;—8)
Cau 2. Khao sat sy bién thién cua cac ham sd sau

T T T 37
a) y =sinztrén |——; — b) y = cosx trén |—; —
)y . 3] )y [3
C)?/:Cotﬂﬁ—Z trén —3—7T;—E d) y = tan :1:4—z trén _E;ﬂ
6 4 2 3 4 2

Dang 5: Tim GTLN va GTNN
Cau 1. Tim gia tri 16n nhat va gia tri nhé nhat

a)y:2sin[3x—%]—3 b)y:—5+20082[2x—§
Joos 3z sin®(37) 2
c) y =2Vcos3zr —1 d)y:T—?)cos (3:5)

Cau 2. Tim gia tr1 16n nhat va nhd nhat (néu c6) cuia cadc ham so sau:
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Hoc dé khing dinh minh!

a) y=4cos’z —4cosz + 3 voi z € z,_w
T T
b) y = cos2zx + Hsinx + 2 véi z € 3 E
CAu 3. Tim gi4 tri 16n nhat va gia tri nho nhét cua cic ham s sau:
a) y = —2sin”z + 3sinz —1 b) y = cos’z + 2sinz + 2

PHAN I. TRAC NGHIEM NHIEU PHUONG AN LUA CHON
Ciau 1. Chon khang dinh sai?

A. T4p xéc dinh ciia ham sé y = cotz 1a R\{ + km,k € Z}

B. Tép xac dinh cia ham s y = sinz1a R.
C. Tap xac dinh cua ham s6 y = cosz 1a R.

D. Tap xé4c dinh cia ham s6 y = tanz 1a R\ {% + kmk € Z}.

Cau 2. Tép xac dinh cia ham s6 y = cotz 1a:

A R\ {k2r k€ Z}. B.R\{%Jrkw,kez}.
C. R\ {kmkez}. D.R\{%Jrk%,kez}.
Cau 3. Tép xac dinh cia ham s6 y = cot 2z — tan z 1a:
A. R\{ +k7rkeZ} B. R\ {kmkeZ}.
C. R\{ +k—keZ} D.R\{k%,kez}
Cau 4. Tap xéc dinh cua ham sb y = —tanz la:
A. D= R\{ +kwkeZ} B. D =R\ {km ke Z}.
C.D =R\ {k2mk e Z}. D. D= R\{ +k27rk€Z}
Cau 5. Tap xac dinh cua ham séy:tan[%cosx la:
i
A. R\ {ol. B. R\ {0;7}. C.R\ k=t D. R\ {kr}.
o) o) el i)
Cau 6. Tim tap x4c dinh ciia ham séy:tan[2x+%].
A D= R\{ +k—‘keZ} B.D = R\{ +k7r‘k€Z}
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Hoc dé khing dinh minh!

C.D=R\ 1+k7r‘keZ. D.D=R)\ —eri‘kez.
12 6 2
A TS W . s A 1—3cosz
Cau 7. Tim di€u kién x4c dinh cia hams6 y = ——
sin x
A. x = k2m. B.xzkg. C.:z::tg—klmr. D. x = k.
Cau 8. Tép xac dinh cia hamsé y = tan 27 la tap nao sau day?
CoS T
A. D =R. B.D:R\{%ntkm},keZ.
C.D=R\{Z+rlrlkez. D.D=R\{Z+r . Ztirlkez
4 2 4 22
Cau9. Didu kién xdc dinh cita ham sé y = - 507 13
cosx

T T s
Acz=—+km,keZ. B.z=2—+4+k—,kcZ.

12 12 2
Co=—tk=, ke, D.z=—+kr,keZ.

6 2 2

A \ A ’ . , \ X 1-2z
Cau 10. Tim tap xac dinh cia ham s6 y = — .
sin 2x

A.D:R\{kw,kez}. B.D:R\{gmw, keZ}.
C.D:R\{g+k2w, kzw,kez}. D.D:R\{kg, keZ}.

Ciu 11. Cho cac ham sé: y =sin2z, y = cosz, y = tanz, y = cotz. Co bao nhiéu ham sb
tudn hoan véi chuky T = .

Al B.2 C.3 D. 4

Céu 12. Chuky cia hamsb y = 3 sing 1a s6 nao sau day?

A. 0. B. 27. C. 4m. D. 7.

Céu 13. Trong cac ham s y = tanz; y =sin2z; y = sinz; y = cotz, c6 bao nhiéu ham sb
thoa man tinh chat f(;z:—i—knr) = f(:z;), VeeR,keZ.

A. 3. B. 2. C.1. D. 4.

Cau 14. Trong bon ham so: (1) y = cos2z, (2) y =sinz; (3) y = tan2z; (4) y = cotdzr cob

mAy ham s6 tuan hoan véi chu ky 7?2
A. 1. B. 0. C.2. D. 3.
Céu 15. Trong cac ham s sau ddy, ham sb nao khong tuan hoan?

A.y=cosz. B. y = cos2x. C.y=2"cosz. D.y=
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Hoc dé khing dinh minh!

Ciu 16. Tim chuki 7 ciia ham s6 y = sin [5$ — g]

AT =27 B.T =" cr=". pD.T=2"
5 9 2 8

Cau 17. Timchuki T cta ham sb y = cos [g + 2021

A.T =4r. B. T =27. C.T=-2m. D.T=mn

Céu 18. Tim chuki 7 cuta ham sb y = tan 3rz.

AT==L B.T -2 c.r=*" D.7T -2
3 3 3 3

Cau 19. Timchuki T cta ham sb y = 2cos® z + 2020.

A.T =3m. B. T =27. CT=m. D. T =4rn

Céu 20. Khing dinh nao dudi day 1a sai?

A.Ham séy = sinz 12 ham s6 1é. B. Ham sy = cosz1a ham s6 1é.

C.Ham séy = tanz 1a ham sd 1é. D. Ham s6y = cotz 1a ham sd 1¢é.

Céu 21. Trong cac ham sb sau, ham sb nao 1a ham chin?
A.y:cos[x—i—g] B.y:‘sinx‘ C.y=1-sinz D. y =sinz 4 cosx

Ciu 22. Chon phat biéu diing:

A.Cichamsb y = sinz, y = cosz, y = cotz déu 1a ham sb chin.
B. Cacham sb y = sinz, y = cosz, y = cotz déu la ham sb 1é.
C.Cachamsd y =sinz, y = cotz, y = tanz déu 13 ham sb chin
D. Cachamsé y =sinz, y = cotz, y = tanz déu 1a ham s 1&.
Ciu 23. Ham sb nao sau ddy 14 ham sb chan?

A. y = cotdz. B. y = tan6z. C. y =sin2z. D. y =cosz.
Céu 24. Ham sb y = sinz dong bién trén mdi khoang nao dudi day.
A. —£+k27r;£—|—k27r,k€Z. B. z—l—/€27r;3—7r—1-/€27r,]{:EZ.
2 2 2 2
C. (—m+ k2m;k2r), k € Z. D. (k2m;7 + k2w, k € Z.
Ciu 25. Khing dinh nao sau day sai?
A. y = tanz nghich bién trong | 0; g] B. y = cosz dong bién trong {—g; 0].
C. y = sinz dong bién trong —g; 0]. D. y = cotz nghich bién trong [0; g]

CAu 26. Ménh dé nao sau day ding?

A.Ham sb y = sinz tuan hoan véi chuky 7' = 7. B. Him s6 y = sinz ddng bién trén [O;g].

C. Ham sb y = sinx 1a ham s6 chén. D. D6 thi ham sb y=sinz cotap giatrila R.

Cau 27. Ham s0 y = sinx dong bién trén khoang nao sau day?
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A. 5—7T,7—7T . B. 9—”,& . C. 7—7T;37T . D. ﬁ,gl .
4 4 4 4 4 4 4
Cau 28. Chon khing dinh ding trong cac khang dinh sau:
A.Ham s6 y = tanz tudn hoan véichu ki 2r.  B. Ham s6 y = cosz tuan hoan véi chu ki 7.

C. Ham s6 y = sinz d6ng bién trén khoang {O;g]. D. Ham s6 y = cotz nghich bién trén R.

Ciu 29. Ham sb nao sau ddy nghich bién trén khoang [O;g] ?

A.y=sinz. B. y = cosz. C.y=tanz. D. y = —cotz.
Céu 30. Ham sb nao ddng bién trén khoang [—%;%]:
A.y=cosz. B. y = cot2x. C.y=sinzx. D. y = cos2z.

Céu 31. Chon khing dinh dung?
A. Ham s0 y = tan z ludn ludn tang.
B. Him s6 y = tanz ludn ludn ting trén tirng khoang xac dinh.

C.Ham s6 y = tanx ting trong cac khoang (n + k2m; 21 + k’2n),k € Z.

D. Ham sé y = tanz ting trong cic khoang (k2rc;1t + k2n),k € 7.

Cau 32. Gia tri 16n nhat ciia ham sé y = 2sinz +1 1a
1

A. —1. B. 1. c.—g. D. 3.
Cau 33. Tap gia tri ciia ham s6 y = sin 2z 1a:

A.[-2;2]. B. [0;2]. C. |-1;1). D. [0;1).
Ciu 34. Tap gia tri cia ham s6 y = cosz 1a?

A. R. B. (—00;0]. C. |05+00). D. [-1;1).

Cau 35. Goi M, mlﬁnluo‘t la gia tri 16n nhét va giétrinhénhétcﬁahém sb y=2—sinx.Kh§1ng
dinh nao sau day dung?
A M=1;m=-1. B M=2,m=1. CM=3;m=0.D.M=3;,m=1.

Cau 36. Goi m la gia tr1 lon nhét ctia ham s y = 3+ 2sin 2z trén doan

7.7\ Gia tri m thoa
62

man hé thirc nao dudi day?
A.3<m<6. B. m> — 16. C.4<m<5. D.m =3++3.

Ciu 37. Khi z thay doi trong khoang [%,%] thi y = sinz 14y moi gié tri thudc

LQJ_ —Q;O ﬁﬂ
2 2 2

A. B. C. |[-1;1). D.

Ciu 38. Puong cong trong hinh dudi 1a d6 thi ciia ham s6 nio trong cac ham s6 sau day?
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N D A N I
i \_/ f -1 i \\_,//I. i
A.y=1+sin2z. B. y =cosz. C.y=—sinzx. D. y = —cosz.

Céu 39. Hinh v& nio sau day biéu didn dd thi ham s6 y = cos g ?
A '} B. 1Y

/\ /\-1:/4/1’\1:}2/\ N /\ -;:«mfz/z\mzn /\
A van v 2 van v S A ANV A

C ¥4 D y
1
\ T ] I\ N -2m - T 2n .
Cau 40. TimtépxécdinhDcﬁahémséy:M—l—cos[x+z].
sin 3
A. D =R\ {kr,k € Z}. B.DzR\{%,keZ}.
C.D:R\{%+kw,kez}. D. D =R.
Cau 41. Tépxécdinthﬁahémséy:M12‘1:
3sinz
A.D=R\{kr|kez}. B.D:R\{%Jrkﬂkez}.
C.D:R\{%Tﬂcez}. D. D =R\ {0}.
A A s S+ T /1+cosa: .
Cau 42. Tap xac dinh cia ham s6 y = cot|z + — |+ ,[——— la:
6 1—cosz
s T
A.D:R\{—E—I—lﬂﬂkeZ}. B.D:R\{?—l—lm,k%ﬂkeZ}.
7r
C.D=R\{k2r |k € Z}. D.D:R\{—E+kw|kez}.
Cau 43. Timmdéhémséy:;)(écdinhtrén R.

sinx —m
A.m € (—oo;—l)U(l;+oo>. B. m e (—oo;—l] U [1;—1—00). C.m=1. D.m¢e [—1;1].
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Cau 44. Hai ham s0 nao sau day c6 chu ki khac nhau?

A. y = cosz Véy:cotg. B. y =sinz va y = tan2x.
C.y:smg Vay:cosg. D. y =tan2x va y = cot2z
Céu 45. Tim chu ki cia ham s6 f (x) = sing + 2 COS%T.
7r
A. 5T. B. 3 C. 4r. D. 27
Ciu 46. Trong cic ham sd sau, ham s6 ndo 14 ham sb chan?
A. y = sin|20162| + cos 2017z B. y = 2016 cos z + 2017 sinz.
C. y = cot 2015z — 2016sinx . D. y = tan2016x + cot2017z.
CAu 47. Trong cac ham sb sau, ham sb nao co do thi dbi ximg qua truc tung?
. T tanx ,
A.y=sinzcos2z. B.y=sin"z.cosjz——|. Cy=—F7——. D. y = coszsin’z
2 tan” x4+ 1

Cau 48. Trong cac ham sb sau, ham s6 nao co dd thi ddi xng qua géc toa do?

i 1
A. y = cotdx. B.y:w. C.y=tan’z. D.y:‘cota:‘

coS T

Cau 49. Gi4 tri 16n nhat cta ham sb y = 3sin’ {x + %] 1 4 bing.

A 7. B. 1. C. 3. D. 4.
CAu 50. Gia tri nho nhét cua ham sd y = 2cos® z —sin2z + 5

A2 B. 2. C.6-+2. D. 6++2.

Cau 51. Tim gia tri nhé nhét, gia tri 16n nhét ctia ham sb y =sin’z —sinz + 2.

A. minyz%;maxy:él. B. minyz%;maxyzz

, 1
C. miny = —I;maxy = 1. D. mmyzE;maxy:Z
Ciu 52. Sb gid co anh sang mat troi ciia Tha d6 Ha Noi nam 2018 duge cho boi cong thire

y = 3sin [%(:p + 60) +13 v6i 1 < z < 365 1a s6 ngay trong nam. Ngay nao sau day

ctia nam 2018 thi s6 gio ¢6 anh sang mat troi ctia Ha Noi 16n nhat.

A.30/01. B. 29 /01. C.31/01. D. 30 /03.

Céu 53. Hiang ngdy muc nude cua con kénh 1én xgéng theo thay triéu. Do sau h (mét) ciia myc
nudc trong kénh duogc tinh tai thoi diém ¢ (gid) trong modt ngay bdi cong thic

h = 3cos %t + % +12. Muc nuée cua kénh cao nhét khi:
A. t =13(gio). B. t = 14(gio). C. t = 15(gio). D. t = 16(gio).
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Céu 54. Sb gid co anh sang ciia mot thanh phd A trong ngay thir ¢ cua nim 2017 dwoc cho boi

mot ham s0 y = 4sin

T
ﬁ(t —60)

trong nam thi thanh phd A c6 nhiéu gio anh sang mat troi nhat ?.
C. 30 thang 5.

A. 28 thang 5.

B. 29 thang 5.

Céu 154.Cho d6 thi ham s y = sinz nhu hinh vé:

yik

D. 31 thang 5.

P % oy M
VAR

-1

Hinh nao sau day 1a d6 thi ham s6 y = sin

y
1
N ""ZA’“’? = TN

& bbén phuong 4n A, B, C, D

\,'_/_1]\0\:/ .

D./ -MO 2 e

Céu 158. Dudng cong trong hinh duéi dy 1a d6 thi cia mot ham sb trong bon ham sé duoc liét ké

Hoéi ham s6 d6 1a ham so nao?

A. y =cosz..

& bon phuong an A, B, C, D

B. y =—cosz.

AY

C.y= cos‘x‘..

D.y = ‘COS x‘
Ciu 159.Dudng cong trong hinh duéi day 1a do thi ciia mot ham s trong bén ham s duoc liét ké

Hoé6i ham s6 d6 1a ham s6 nao?
A y= ‘sinx‘..

B.y= sin‘x‘..

C.y= cos‘x‘..
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Hoc dé khang dinh minh!
PHAN II. BAI TAP DPUNG/ SAI

Caul. Chohamsé f(z) = sin’ z + cosz — 1. Khi d6

Ménh dé Ping | Sai
a) | Tap xac dinh cta ham s6 D=R
b) | f(=m) = —f(m)
) | f(—z) = [f(z)
d) | Ham s6 da cho 13 ham s6 chan
Cau2. Chohamsé f(z) = tanz — z.Khi dé:
Ménh dé Piing | Sai
a) ,
Tap xac dinh cia ham s6: D = R\ {g—’— km |k € Z}.
b) o m
== 1-=
3 3
) | f(-z) = —f(z)
d) | Ham s6 ddi xing voi nhau qua truc Oy
Cau3. Chohamsé f(z) =|tanz | +|z° — 3m‘ . Khi do:
Ménh dé Piing | Sai
a) ,
Tap xac dinh cia ham s6: D = R\ {g + kmk € Z}.
b) | f(=m) = —f(m).
¢) | Ham s dé cho déi xing qua gdc toa d6 O (0;0)
d) | Ham s6 d4 cho 14 ham s6 chan.

Cau 4. Chiéu cao so véi muc nude bién trung binh tai thoi diém
t (gidy) cua moi con song dugc cho bdi ham so

h(t) = 75sin [%t], trong d6 h(t) dugc tinh bang centimét. (Tat

ca két qua dwoe lam tron dén hang phan muwoi)

Ménh dé

bing | Sai

a) | Chiéu cao cuia séng tai cac thoi diém 5 gidy bang 69, 3(cm)

b) | Chiéu cao cua séng tai cac thoi diém 20 gidy bang 75(cm)

¢) | Trong 30 gidy dau tién (ké tr moc ¢ = 0 gidy), thoi diém dé song dat chiéu
cao 16n nhat 6 giay

d) | Trong 30 gidy dau tién (ké tir moc ¢ = 0 gidy), thoi diém dé song dat chiéu
cao 16n nhat 18 gidy

Cau 5. Cac ménh dé sau ding hay sai?

| Mg¢nh dé
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Hoc dé khing dinh minh!

a) | Him s6 y = 3sinx co tap gia trila T = [—3;3].

b) | Him s6 y = 2cosz — 1¢6 tap gid trila T = [—3;1].

¢) | Him sé y = 2030 — 4 coszcod tap gia trila T = [2026;2034].

d) | Him s6 y = sin’z + 4sinz —1co tap gia tri la T = [—3;3].

Cau 6. Cho cic ham sb sau f(z) = 2| cosz |; g(z) = 1 — 3sin” 2. Khi d6

M¢énh dé Dung | Sai
a) | Gi4 tri 16n nhat cia ham s f (x) bang 2
b) | Gié tri nho nhit cia ham sé f (m) bang 0
¢) | Gi4 tri 16n nhat cta ham sé ¢ (x) bang 2
d) | Gia tri nho nhit cia ham s g(z) bang —2
Cau7. Cho cac ham sé sau f(z) = sinz va g(x) = cosz. Khi do:
Ménh dé Ping | Sai
a) . A T
Ham s f(z) = sinz dong bién trén khoang iy
b) ,
Ham s f(z) nghich bién trén khoang [%TW %]
¢) | Ham s6 g(z) nghich bién trén khoang (0;7).
d) ,
Ham sb g(z) dong bién trén khoang [25%,13%]
Cau8. Chohimsé f(z) = tanz va g(z) = cot’ z — > 2% Khi do
Ménh dé Ping | Sai
a) .
Tap xéc dinh ham s6 f(z): D = R \{ +krlk € Z}
b) | Ham s6 f (:c) 1a ham khéng tuan hoan.
©) | Tap xéc dinh ham s g(z): D = R\ {kr|k € Z}.
d) | Him s6 ¢ (x) 12 ham tuan hoan.
Cau9. Chocachamsd f(z) =+/3 —2sinz;va g(z) = tang - %cos:z: , khi do
Ménh dé Ping | Sai

a) | Ham s6 f(sc) co tap xac dinh la: D = R.

b) | Ham s6 f (:c) da cho 1a ham tuan hoan.

©) | Ham s6 g(z) xéc dinh khi 2 = k27 (k € 7).
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d) | Him s6 ¢ (x) da cho 1a ham khong tuan hoan.
Cau 10. Tim duogc tap xac dinh cia cac ham sb sau. Khi do:
Ménh dé Piing | Sai
a)
Ham s6 y = tan[Qw—E] xac dinh khi: z = §+k (ke Z)
b) \ X ™ , . . ™
Ham s0 y = cot x~|—§ xac dinh khi: < x+§ = kn(k € Z)
©) N l—cosz , . ., .. . .
Hamso y = ———— cotapxacdinhla D = R\ {2]4371"]6 €7}
sinz
d) ,
Ham so y = tan 32 cotap xac dinh la D = R\{ +k— ‘k € Z}
cos T

PE ON TAP BAI 3: “HAM SO LUQNG GIAC”

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cAu 1 dén cau 12.

MGéi cdu hdéi thi sinh chi chon mét phwong dn.
Cau 1.Tap xac dinh cua ham s6y = tan 2z 1a

A. D= R\{ +k—|keZ}

C.D= R\{ +k27r|keZ}

Cau 2. Tép xéc dinh cua ham sd y =sinzla
A [-131]. B. (-1;1). C. (0;+00).

CAu 3. T4p xéc dinh ciia ham sé y = cot 2z — tanz 1a:

AR\{ +k7rkeZ} B.R\{kmkeZ}.

C. R\{%+k§,kez}

Céu 4. Chon phat biéu ding:
A.Cachamsd y = sinz, y = cosz, y = cotz déu 1a ham sd chén.

D. R\{k%,k € Z}

B. Cachamsé y = sinz, y = cosz, y = cotz déu la ham sb 1é.
C.Cachamsd y =sinz, y = cotz, y = tanz déu 13 ham sb chin

D. Cachamsé y =sinz, y = cotz, y = tanz déu 1a ham s 1&.

CAu 5. Trong cac ham sb sau ddy, ham s6 nao c6 dd thi ddi xing qua truc tung?

D. D= R\{ +k7r|k€Z}

D. R.

B. D = R\{ +k—|keZ}

A.y=tanz. B. y = cosz. C.y=sinzx. D. y =cotzx.
Ciu 6. Trong cac ham s6 sau, ham sé nao tuan hoan véi chu ki 27 ?
A.y=sinz. B. y =tanzx. C.y=cotzx. D. y = cos2z.

Cau 7. Trong cac ham so0 sau, ham s6 nao c6 do thi doi xung qua goc toa do?
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Hoc dé khang dinh minh!

sinz +1

A. y = cot4z. B.y= C. y = tan’ z. D.y= ‘cot :L"

CosST
A .7 s 17 A \ .7 . 5 A 5 \ A . 3 A \
Cau 8. Gia tri lon nhat va gia tri nhé nhat cia ham s6 y = 3sin [:1: + Iﬂ] —1 lan luot la:

A. 4;—-2. B. 2;— 4. C. 1;—-1. D. 3;—-3.

Cau 9. X¢ét su bién thién ciia ham s6 y = tan 2z trén mdt chu ki tuan hoan. Trong cac két luan
sau, két ludn nao dang?

A. Ham s6 d3 cho ddng bién trén khoang {O;g] Vé[g ,g]

B. Ham s6 di cho dong bién trén khoang [O; %]Vé nghich bién trén khoéng[g ,g]
C. Ham s6 d4 cho ludn dong bién trén khoang [O;g] .

D. Ham s6 di cho nghich bién trén khoang {O; g] va d@)ng bién trén khoang [g ,g]

Céu 10. Cho db thi ham s lwong gidcy = sin nhu hinh vé& duéi day:

Ay

1 y = sinx

0

—37r.5_7r

; ?
2

Ham sb y = ‘sin x‘ c6 bao nhiéu lan dat gia tri bang 1 trong doan

A. 5 B. 1 C.3 D. 7

Cau 11. Huyét ap 1a 4p luc mau can thiét tac dong Ién thanh dong mach nham dwa méu di nuoi
dudng cac mo trong co thé. Nho lyc co bop cua tim va sire can cua dong mach ma huyét ap dugce
tao ra. Huyét ap toi da va huyét ap toi thiéu twong tng duoc goi la huyét ap tam thu va huyét ap
tdm truong. Chi s6 huyét ap cua chung ta duoc tinh bang huy€t ap tam thu/huy€t ap tam truong.
Gia st huyét ap cua nguoi do thay doi theo thoi gian dugc cho bdi cong thic:
p(t) =115 + 25sin(1607t)trong d6 p(t) 1a huyét ap tinh theo don vi mmHg (milimet thity ngan)
va thoi gian t tinh theo don vi phat. Khi d6, chi sé huyét 4p bang

L p, 150 ¢ 120 p, 140

90 60 80 90
Céu 12.Hang ngay myc nude cia con kénh 1én xudng theo thuy triéu. D6 sdu h (met) cua muc
nudc trong kénh dugc tinh tai thoi diém ¢ (gio) trong mdt ngay bdi cong thic

h = 3cos [%t + % +12. Muyc nuée cua kénh cao nhét khi:

A. t = 13(gid). B. t = 14(gid). C.t=15(gid).  D.t=16(gid).
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PHAN II. Céu tric nghiém ding sai. Thi sinh tré 10i tir cAu 1 dén ciu 4. Trong méi ¥ a), b),

¢), d) & méi cau, thi sinh chon diing hoic sai.
Ciu 1. Him s6 y = f(:z:) ¢6 d6 thi nhu sau

bung

Sai

(a) | Ham s c6 tap xac dinh D =

(b) | Ham s6 dong bién trén khoang (—77;0) .

(¢) | Him s6 nghich bién trén khoéng[—w; —g]

(d) | Tép gia tri cia ham sb 1a [0;2].

Cau 2. Hang ngay muc nudc cua con kénh 1én xudng theo thuy triéu. Do sau h (mét) cua muc nude

™

trong kénh tinh theo thoi gian ¢ (gi0) dugc cho bdi cong thirc A (t) = 3cos [%t + 4] +14.

Ménh dé

bung

Sai

(a) | Cong thirc tuan hoan véi chu ki 7 = 2.

(b) Chiéu séu ctia myc nudc thap nhatla 11m.

(¢) | Chiéu sau cua myc nudc cao nhatla 14m.

(d) | Thoi gian dé muc nudc cao nhatla ¢ = 9.
Céu 3. Cho ham sb f(ac) =tan2z —1
Ménh dé

Dung

Sai

(a) | Ham $b f(:z:) tudn hoan vichuki T = 7.

(b) | Ham 5O f(x) 1a ham s6 chin.

(¢) | Gia tri ctia ham s6 f(:z:) tai - = — bang 0.

T
8

4 2

(d) | Tap xéc dinh cia ham s6 f(z) 1a R \ {1 +h ke Z}

Céu 4. Gia sir nhiét o bén trong mot ngdi nha sau ¢ (gio) ké tir 12 gio trua, goi la T'(t) dugc tinh

béi cong thitc T'(t) = 5cos[1 - lt] +25 (0) v6i 0 <t <24
2 6
| M¢énh dé
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Hoc dé khing dinh minh!
(@) | T(0)=29

() | T(12) = T(6)

(¢) | Nhiét d6 cao nhét trong ngdi nha l1a 36°C .

(d) | Nhiét d6 trong ngdi nha lac 5 gid chiéu 1a 27,5°C .
PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 10i tir cAu 1 dén ciu 3.
Cau 1. Tap gia tri ciia ham s6: y = 5 + 4sin2zcos2z c6 dang [a;b} v6i a;b 1a cac s6 nguyén.
Tinh gia tri S = a® — 2ab
Céu 2. Tinh tong gia tri 16n nhat va nho nhat ctia ham s6: y = sin® z + cos® z

Cau 3. Trong doan [—271’;71'] c6 tit ca bao nhiéu gia tri cia = dé ham sb y = cot [3:1: + g] khong

c6 nghia.
PHAN IV. Ty ludn
Cau 1. Hang ngay, Mat Troi chi€u sang, bong cua mot toa chung cu cao 40m in trén mat dat, do

dai bong cua toa nha nay dugc tinh bang cong thire S(t) = 40 & d6 S duoc tinh bang

cotlt
12

mét, con ¢ 1a s6 gio tinh tir 6 gid sang.

a) Tim d6 dai bong cua toa nha tai cac thoi diém 8 gid sang, 12 gid trua, 2 gid chiéu va 5 gior 45
phut chiéu.

b) Tai thoi diém nao thi d6 dai bong ctia toa nha bang chiéu cao toa nha?

¢) Béng toa nha s& nhu thé nao khi thoi gian tién dan dén 6 gio thi.

Cau 2. Hang ngay, muc nudc ciia mdt con kénh 1én xuong theo thuy triéu. Do sau h (m) cua muc

nudc trong kénh tinh theo thoi gian ¢ trong mot ngay (0 <t< 24) cho bdi cong thuc
rt T cK, Y , 5 A \ ’ N, s |
h (t) =a+bcos [E + Ej (a > 050 > 0). Biét rang myc nudc cia con kénh vao luc 4 gio sang la

9, 5(m) va muc nudc thép nhét cta kénh 1a 8(m) Hé1 muc nudce cua con kénh vao luc 4 gio
chiéu 1a bao nhiéu mét?

Chii diém: Phuong trinh hrong gidc
Cau 1. Tim cac nghiém thudc khoang (—2; 7) cua céc phuong trinh:

a) 2sin[x+§]:1 b) 2cos x—%]:—\/g
¢) tan (22 +1) =1 d) 2cot(3z)—3 =10
Céu 2. Tim nghiém am 16n nhat va nghiém dwong bé nhat (néu c6) ciia mdi phuong trinh sau:
a) cos 3x—3—7T = cos| = — b) sin 2x—|—z —sin| L — g
4 4 3 6
c) tan[Qa; + %] = tan[:z; — %] d) cot3z = cot[:z: + %]

Cau 3. Giai cac phuong trinh sau
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Hoc dé khing dinh minh!

a) sin [336 I
3

—{—sin[m—%]:O b)cos[?)x—f—%]—l—cos[%r—g]:O

c) sin[2x — 2%] + cos

T
T+ —
4

-0 d) tanS:z:—Fcot[:n—%]:O

Ciu 4. Tinh tong cac nghiém trong khoang (—77; 7r> ctia mdi phuong trinh sau:

a)sin 7x — sin 3z = cosbz b) cos’ z —sin’z +sin3z = 0

c) cosx + cos2z 4 cos3z = 0 d) (2 sin z — cos a:)(l + cos ;z:) =sin’z
Ciu 5. Tim tat ca cac gia tri ciia tham s m dé

a) Phuong trinh cosx = m + 2 ¢6 nghiém

b) Phuong trinh mcos2z —1 = 2m + cos2z c6 nghiém.

¢) Phuong trinh tanz = 3m — 2 ¢4 nghiém thudc [—%;z

O;z]
6

d) Phuong trinh <2m — 1>sin r = 2 codnghiém z €

e) Phuong trinh (Qm + 1)<tan:z: — 2) = tanz 4+ m conghiém x € —%;g]

f) Phuong trinh (2 cosT — 1>(sin 2z — m) = 0 co6 ding hai nghi¢m thudc [—% ;%T

Céu 6. S6 gid c6 anh sang mit troi cia mot thanh phd A & vi 46 40° Béc trong ngdy thir t ctia
mdt ndm khong nhudn dugc cho boi ham sb d(t) = 3sin 18L2(t — 80) +12 wva

teZ,0<t<365.
a) Thanh phd A c6 dung 12 gid anh sang mit trdi vao ngay nao trong nam?
b) Vao ngdy nao trong ndm thi thanh phd A c6 ding 9 gid co anh sang mit troi?
¢) Vo ngay nao trong nam thi thanh phé A c6 it gio 4nh sang mit troi nhat?
d) Vao ngay nao trong nim thi thanh phé A c6 nhiéu gio anh sang mit troi nhat?
Ciu 7. Nhiét do ngoai troi & mot thanh phd vao cac thoi diém khac nhau trong ngay c6 thé duoc

=9

ngdy tinh bang gid. Nhiét d6 thip nhat trong ngay 1a bao nhiéu va vao lic miy gio?

mo phong boi cong thire (1) = 29 + 3sin . V&i h tinh bang do C va t 14 thoi gian trong

Cau 8. Cho vén tbc v(cm / s) ctia mét con lac don duoc cho boi cong thurcv = —3sin [1, 5t + %]
, trong d6 t 1a thoi gian (tinh bang gidy (s)). Xéc dinh thoi diém t ma tai d6:

a) Van toc con lac bang 1,5¢cm / s

b) Van tdc con lac dat gia tri 16n nhét

HE THONG CAU HOI TRAC NGHIEM

Cau 1. Nghiém cua phuong trinh sing =11la
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Hoc dé khing dinh minh!
A.z=n+kimkeZ. B.z=Rknrkel.

C.r=r+kmrnkel. D.x:g+k2w,kez.

Cau 2. Phuong trinh sin[x — %] =1 c6 nghi¢m la

Aoz =2+ kor. B.x:5—7r+k’7r. C.:L’:5—7T+k’27r. D.z=_+2r.
3 6 6 3
Cau 3. Tim nghiém cia phuong trinh sin2z = 1.
Az =2+ k2r. B.z=2+kn. C.z=2"+kor. D.:L’:k—w.
2 4 4 2
Cau 4. Phuong trinh sinz = 73 c6 nghiém la:
T T
T ==+kr T ==+ k27
Aoz ==+ +kor. B.7z =2~ +kn. C. gﬂ . . g’ﬂ .
3 3 T =g +km T =3 + k27
Cau 5. Phuong trinh 2sinz —1 = 0 c6 tap nghiém la:
A. S = z—1—/{27T;5—7T—i—k27r,kEZ . B.S = z—1—/{27T;—2—7T—1—/{27T,k€Z )
6 6 3 3
s 7 1
C.S:{g—FkQW;—E—I—kQW,kEZ}. D.S:{E—FkQW,kEZ}.
Cau 6. Nghi¢m cua phuong trinh cosz = —% la
A.x:i%+k27r B.x:j:%—l—/mr C.:L’::I:%—kk%r D.:I}::t%—i—kQ?T
Cau 7. Nghiém cua phuong trinh COS[JH-%]:g la
x = k2w x=km
A. keZ). B. keZ).
x:—g—l—kﬂ( ) :L’:—I-i-k’ﬁ( )
r=km x = k2w
C. keZ). D. kelZ).
x:—g+k27r< ) x:—g—i—k%'( )

A \ Ay o 4 N 5 . x
Cau 8. Tim tat ca cac nghiém cia phuong trinh cos 3 = 0.

Az =km ke B.x:nglm,kEZ.
37 3T
C.Q?:?—FkGﬂ',kEZ D.$:7+k3ﬂ,kez

Cau 9. Giai phuong trinh 2cosz—1 =0
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77
- x=—+k2r
A z=+—+kmkeZ. B. S  keZ.
3 x:l+k2w
3
- T=" 4k
C.r=+—+kmkeZ. D. 3 ke,
3 2
rT=—+km
3
Cau 10. Phuong trinh lugng gidc: 2cosz + \/5 = 0 c6 nghiém Ia
x:z—l—k27r x:3—7r~|—k27r x:z—l—k%r x:7—7r+k27r
A 4 . B. 4 : C. 4 . D. 4
r=—_ k2 $:—3—7T+k‘271' :1::3—7T+k27r x=—7—7r—|—k‘27r
4 4 4 4
Céu 11. Tim tit ca cac nghiém cua phuong trinh tanz = m, (m € ]R).
A. x = arctanm + k7 hoac x = m — arctanm + km, (k’ S Z).
B. x = *arctanm + km, (k € Z).
C. x = arctanm + k2w, (k € Z).
D. © = arctanm + k7, (k’ € Z).
Cau 12. Giai phuong trinh: tan® z = 3 c6 nghiém la:
A.ng—i—kﬂ'. B.X:—%—l—kw. C.Xz:i:%—l—/mr. D. v6 nghi¢m.

Céau 13. Giai phuong trinh cot<3x — 1) = —\/g.

Az :1+5—W+k1(/€ € 7). B.a :1+1+k1(/¢e 7).
3 18 3 3 18 3
c.x=5—”+k1(kez). D.x:l—ﬁww(kez).
18 3 3 6
Cau 15. Tim tat ca cac gia tri thuc ctia tham s6 m d€ phuong trinh sin x = m c6 nghiém.
A.m<1. B. m>—1. C. -1<m<1. D. m<-1.
Céu 16. C6 bao nhiéu gia tri nguyén ctia tham sé m dé phuong trinh 3sin2z —m”> +5 =0 ¢6
nghiém?
A.6. B.2. C. 1. D. 7.

Cau17. Goi S 1a tdp hop tit ca cac gid tri nguyén cia tham s6 m dé phuong trinh
003[23; — %] —m = 2 ¢6 nghiém. Tinh tong T cta cac phan tir trong S.

A. T =6. B. T =3. C.T=-2 D. T = —6.
Ciu 18. Co bao nhiéu gia trj nguyén ctia tham s6 m thudc doan |—2018;2018| dé phuong trinh

mcosx + 1 =0 cb nghiém?
A. 2018. B. 2019. C. 4036. D. 4038.

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phuong _




Hoc dé khing dinh minh!
Cau 19. Cho phuong trinh sin [230 — g] = sin[x + %T] Tinh tong cac nghiém thudc khoang

((); 7r> cua phuong trinh trén.

AT B o c. 3. D.%.

2 2
V3

Céau 20. Phuong trinh sin [3:1: + g] = ey c6 bao nhiéu nghiém thudc khoang [O;g] ?

A. 3. B.4. C.1. D. 2.
Ciu 21. S6 nghiém ciia phuong trinh 2sin z — \/g = 0 trén doan doan [0;2#] .
A. 3. B. 1. C.4. D. 2.
Céau 22. Phuong trinh sin2z = —73 c6 hai cong thuc nghiém dang o+ km, B+ knw (k € Z)
, . n N T . , N
voi «, O thude khoang [—5,5] Khi do, o + 3 bang
A= B. ——. C. 7. D. - =,

2 2 3
Ciu 23. Tinh tong S cla cac nghiém cta phuong trinh sinz = % trén doan —%;g .
AS="T B.5 =2, Cc.5=2. D.5=1.

6 3 2 6
Ciu 24. S nghiém cua phuong trinh sin [x + g] =1 thudc doan [71';271’] la:
A. 3. B. 2. C. 0. D. 1.
Ciu 25. S6 nghiém thyc cia phuong trinh 2sinz +1 = 0 trén doan —%;1077 la:
A.12. B. 11. C. 20. D. 21.

Cau 26. Phuong trinh: 2sin [2:3 — %] — \/g = 0 ¢6 may nghiém thudc khoang (0;37).

A. 8. B. 6. C.2. D. 4.

A % A . . OT | |,
Cau 27. SO0 nghiém cua phuong trinh 2cosx = \/g trén doan 0;7 la
A. 2. B. 1. C. 4. D. 3.
Ciu 28. Tinh tong cac nghiém trong doan [0; 30] cua phuong trinh: tanz = tan 3z
A. 557 B. % C. 45. D. 1920”.
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A A , . —V3
Cau 29. Nghiém cua phuong trinh tanz = 5 duogc Y

biéu dién trén duong tron luong giac & hinh bén 1a
nhiing diém nao?

A.DPiém F, diém D.
B. Piém C, diém F.
C.biém C, diém D, diém E, diém F.
D. biém E, diém F.

Ciu 30. S6 nghiém cta phuong trinh tanz = tan:i—zT trén B’
khoang [%;2%] 1a?
A. 4. B. 1. C. 2. D. 3.
Ciu 31. Tong cac nghiém ciia phuong trinh tan 5z — tanz = 0 trén nira khoang [0;77) bang:
A.5—7T. B. 7. C.3—7T. D. 27.
2 2
Ciu 32. Tinh tong cac nghiém cua phuong trinh tan(2x - 150) =1 trén khoang (—900;900)
béng)
A. 0" B. —30". C. 30" D. —60".
Cau 33. Nghi¢ém cia phuong trinh cot[x + %] = \/g c6 dang z = —1~|— k—7T, keZ, m,
m n
neN vati phan s6 t6i gian. Khi d6 m —n bang
n
A. 3. B. 5. C. -3. D. —5.

V3

Ciu 34. S6 nghiém cua phuong trinh sin(2x — 400) =5 voi —180° < 2 < 180" 1a ?
A. 2. B. 4. C.6. D. 7.

Céu 35. Tim nghiém duong nho nhit cta phuong trinh 2sin [4:1: — g] —-1=0.

C.x:z. D.x:l.
8 12

(2 COST — 1)(sin 2x — cos :z:)

I

A. x = = .
24

1_ B. z
4

Ciu 36. Tinh tong T tit ca cac nghiém cua phuong trinh - 1 =0 trén
sinz —
™ X 5 18

0;5 ta duoc két qua la:

AT =27 B.T=2CT. C.T=r. D.T=2X.
3 2 3

Cau 37. Giai phuong trinh [2 cosg - 1][sin§ +2|=0
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Hoc dé khing dinh minh!

A.x:i2—”+k27r,(kez) B.x:iz+k2w,<k€Z)
3 3
C.o =22 +kir (k€ Z) D.x:i2—”+k4w,(kez)
3 3
Céu 38. Tim s nghiém cua phuong trinh sin (cos Qx) =0 trén [0;277].
A. 2. B. 1. C. 4. D. 3.
Céu 39. Phuong trinh sin2z + cosz = 0 c6 téng cac nghiém trong khoang <0;27r) bang
A. 2. B. 37. C. bm. D. 67.
Cau 40. Giai phuong trinh sin zsin 7z = sin 3z sin 5z .
A.x=kmkeZ. B.x:%r,keZ. C.x:%,kez. D.x:%r,kez.

Céu 41. Tim s6 nghiém cta phuong trinh sinz = cos2z thudc doan[O;QOw].

A. 20. B. 40. C. 30. D. 60.

Ciu 42. Biéu dién tip nghiém cia phuong trinh cosz + cos2z + cos3z = 0 trén dudng tron
lwong giac ta dugc sd diém cudi 1a

A. 6 B. 5 C. 4 D. 2

Ciu 43. Tinh tong tat ca cac nghiém thudc khoang (0; 27r) ctia phuong trinh sin* g + cos’ g = g

AT B. 2T c. 2T D. 27

8 3 A

Cau 44. Phuong trinh sin® z + cos’ z = % c6 nghiém la:
Az=t+= k- B.o=+—+ke. Cozx=t—tke. D.z=+—+ko.
3 2 4 2 5 2 6 2

Cau 45. Trén doan ; u , phuong trinh sinz +sin2z+sin3x =0 c6 nghiém dang

aT p X , s \
—.,a € Z . Tinh tong S céac gia tri a tim dugc)
2

A S=4. B.S=1. C.S=2. D. S =6.
BAI TAP PUNG/ SAI

Cau 1. Cho phuong trinh lugng giac sin2x = —% (*). Khi do:

Ménh dé Piing | Sai

a)

Phuong trinh (*) twong duong sin 2z = sin%

b) | Trong khoang (0;7r) phuong trinh c6 3 nghiém
¢)

Téng cac nghiém cua phuong trinh trong khoang (0; 77) bang 3%
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d) 117

Trong khodng (0; 7r) phuong trinh c¢6 nghiém 16n nht bang T2

Cau 2. Cho phuong trinh luong giac tan(Qx — 150) =1 (*). Khi d6:

Ménh dé

Pbung

Sai

a) | Phuong trinh (*) ¢6 nghiém z = 30 + k90 (k € Z)

b) | Phuong trinh ¢6 nghiém 4m 16n nhat bang —30°

¢) | Téng cac nghiém cuia phuong trinh trong khoang (—180°; 90°> bang 180°

d) | Trong khoang (—180°;90°> phuong trinh ¢6 nghiém 16n nhit bang 60°

€

V3

Cau 3. Cho phuong trinh lugng giac cot 3z = — (*). Khi do

Ménh dé

Pung

Sai

a) _
Phuong trinh (*) twong duong cot 3z = cot [%]

b
) Phuong trinh (¥) ¢6 nghiém z = % + k%(k €Z)

c) —o7

Téng cac nghiém cua phuong trinh trong khoang [— g ; O] bang 5

d)

Phuong trinh ¢6 nghiém duong nho nhat bang %T

Cau 4. Cho phuong trinh lugng gidc 2cosz = \/g , khi d6

Ménh dé

Dung

Sai

a
) Phuong trinh c6 nghiém z = :t% + k2n(k € Z)

b)

Trong doan 0;5—7T phuong trinh c6 4 nghiém

0 257

Tong céc nghiém ciia phuong trinh trong doan

O | | &
0;—1| ban
7 in

d) o
Trong doan 0;5—7T phuong trinh c6 nghiém 16n nhat bang 13%

Cau 5. Cho phuong trinh sin{Qa: — g] = sin [x + %T] (*)

Ménh dé

Dung

Sai

a) x =7+ k21

Phuong trinh ¢6 nghiém T on (k€ 7).
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b)

Trong khoang (0;7) phuong trinh c6 2 nghiém

c)

Tong cac nghiém ciia phwong trinh trong khoang (0;7) bang %T

d)

Trong khoang (0;7) phuong trinh c6 nghiém 16n nhét bang %T

Cau 6. Cho phuong trinh luong giac sin [Sx + g] -2

J3

2

Ménh dé

Dung

Sai

a)

Phuong trinh ¢6 nghi¢m 9 3 (ken)

b)

Phuong trinh ¢6 nghiém am 16n nhat bang —%T

Trén khoang [0;% phuong trinh da cho c6 3 nghiém

d)

Téng cac nghiém cua phuong trinh trong khoang [O;g] bang —

Cau 7. Cho phuong trinh luong giac 3 — \/gtan [2:1: — g] = 0, khi do6:

Ménh dé

Dung

Sai

a)

Phuong trinh c6 nghiém x = % + %T,k €.

b)

Phuong trinh ¢6 nghiém 4m 16n nhit bang —g

¢)

Khi _TW <z < 2% thi phuong trinh c¢6 ba nghiém

d)

Téng cac nghiém cua phuong trinh trong khoang [_Tﬂ ,2%] bang

™

6

PE ON TAP BAI 4: “PHUONG TRINH LUQNG GIAC”

PHAN 1. Céu tric nghi¢ém nhiéu phwong 4n lra chon. Thi sinh tra 16i tir cAu 1 dén ciu 12.
Moi cau hoi thi sinh chi chon mgt phwong an.
Cau 1. Trong cac phuong trinh sau, phuong trinh nao c6 nghi¢m?

A. cosxz = 3.

C. cos[2x —z] =—1.
3

Céu 2. S6 nghiém ctia phuong trinh sinz = 0 trén doan [0;7‘(’] la

A. 1.

B. 2. C.0.

B. sin2x = —-2.

D. cos(2x — 1) =
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Hoc dé khang dinh minh!

Cau 3. Nghiém cua phuong trinh sin [% — :1:] +1=01a

A.xz%—l—k?w,kez. B.x:%—i—kﬂ,kez.
I 5%
C.x:—F—FkW,kEZ. D.:L’:F—Fk%r,kez.

Cau 4.Tap nghiém cua phuong trinh cos 3z + simQ?7T =01

C. {%—I— kQW,%—i— k2m,k € Z]».

A. i5—ﬂ+k2—7r,kez. B. i2l+mi,kez
16 3 3

C. i5—ﬂ+k2—7r,kez : D. 15—7T+k2—7r,keZ )
9 3 12 3

Cau 5. Phuong trinh ZSin:c—\/g = 0co6 tap nghiém la:

A {:i:%+k27r,kez}. B. {i§+k2w,kez}.

Cén 6. Téng cac nghiém cia phuong trinh 2sin (x + 40°) = V/3 trén khoing (—180° ;180") a
A. 20°. B. 100°. C. 80°. D. 120°.

Cau 7. Nghiém cua phuong trinh cosx = cos% la

v =" 4 ko v ="+ k2
A. 1112 (k.1 € Z). B. 12 (k.1 € Z).
g;:—w—i—ZQﬂ' x:_l+l2ﬂ—
12 12
C.x:1+/€27r (keZ). D.:L’:H—W+k‘27r (kGZ).
12 12

Cau 8. Phuong trinh cos2nmx = c6 bao nhiéu nghiém trong (—w; 77)

A. 1. B. 0. C.2. D. 5.
Céu 9. Cho ham s6 y = cosz c6 dd thi nhu hinh v&.

e B i s gl e SRR s L T e RIS ——. -

D’;J
Z
Sk
— 5

1

|

<

J|‘;‘*
o
H
A\

Tap nghi€ém ctua phuong trinh cosz =1 1a?
A.lem(k‘EZ). B.ac:7r+k27r(k€Z>.

C.z = k2n(k € 7). D.x:%wzw(kez).
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Hoc dé khang dinh minh!
Cau 10. Phuong trinhcosz = 0 ¢6 nghiém la:

A.x:gwm (kez).

™

C.x:5+k27r (kGZ).

A Ao o2 s A 5 . . T
Cau 11. Tat ca cac nghiém ctua phuong trinh sin z = sin 3 la

x:z+k27r x:z+k27r
A. 3 (keZ). B. 3
™ 2m

r=——+k27 x:?+k27r

- T=2 4k

C.x:§+k7r (k:EZ). D. :23

x:l+kw
I 3

Ciu 12. Gudng nuée (hay con goi la con nuée) khong chi
la cong cu phuc vy san xuét nong nghiép, ma da tr¢ thanh
hinh anh quen thudc cua ban lang va 1a mot nét van hoa
dic trung ctia dong bao dan toc mién ndi phia Bic.

Mot chiéc guong nude co dang hinh tron ban kinh 3,5m;
truc ctia n6 dat cach mat nude 3m . Khi gudng quay déu,
khoang cach h (m) tr mot 6ng dung nudc gan tai mot diém

ctia guong dén mit nude duoc tinh theo cong thirc i = ‘yl

, trong d6 y = 3,5sin

27T33—Z
2

ra gia tri cda znho nhat dé ong dung nudc cach mat nude 3m .

1 5) 1

A, —. B. —. C. —.

4 4 8

PHAN II. Ciu tric nghi¢m diing sai. Thi sinh tra 10i tir cdu 1 dén cdu 4. Trong mdi y a), b),

¢), d) & méi cau, thi sinh chon diing hoic sai.

Ciu 1. Cho phuong trinh lugng gidc 2sinz — 2 = 0. Khi do:

Ménh dé

B. x = k27 (l{:EZ).

D. z = kr (keZ).

(keZ).

D. L.
8

bung

+ 3, voi x(phut) 1a thoi gian quay ctia gudng (z > 0). Hay chi

Sai

(a) | Phuong trinh trong duong véi phuong trinh sin x = sin %

(b) | Phuong trinh c6 nghiém 1a z = %+ k2 = %T + k27 (k € Z).

(¢) | Phuong trinh ¢6 nghiém am 16n nhét 1a %.
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Hoc dé khing dinh minh!

Cau 2. Cho phuong trinh lugng giac 2sin {:1: — %] + \/5 =0.

Ménh dé Pung | Sai
(a) | Phuong trinh twong duong sin [x — %] = sin [g]
. , A 1s s T
(b) | Phuong trinh c6 nghiém la: z = 1 + k2mx = i) +kr (keZ).
(¢) | Phuong trinh c6 nghiém am 16n nhét bang —%.
(d) S6 nghiém cua phuong trinh trong khoang (—7r; 7r) 1a hai nghi¢m.
Cau 3. Cho phuong trinh (2 cosx — 1)(sin 2z — m) =0 (1)
Ménh dé Diing | Sai

(@

T = %T la mot nghiém cua phuong trinh <1>

(b)

x:£+k27r
3

Khi m = 2 thi phuong trinh (1) < |z = —% +h2r (kleZ)

x:£+l27r
2

(©)

Khi m =1 thi tap nghiém ctia phuong trinh (1) c6 tat ca 4 diém biéu

dién trén duodng tron luong giac.

(d)

Chi tim duoc mot gia tri cia m dé phuong trinh (1) c6 dung hai

nghiém thudc [—%;%ﬁ

Cau 4. Hang ngay, muc nudc cia con kénh 1én xudng theo thuy triéu. Do sau h (m) cua myc nudc

trong kénh tai thoi diém #(/)(0 < < 24) duogc cho béi cong thirc h = 3cos [%t + g] +12.

Ménh dé

Diing

Sai

(€))

bJ sdu ciia myc nude trong kénh nhd nhat bang 9m .

(b)

Do sau cia muc nude trong kénh 16n nhét bang 15m.

(c)

Trong 1 ngdy c6 dung 3 thoi diém ma do sau cua muc nudce trong
kénh dat gia tri 16n nhat.

(d)

D0 sau cua myc nudc trong kénh tai thoi diém 12 (h) bé“mg 13m.

PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 10i tir cAu 1 dén ciu 3.

Céiu 1. Cho phuong trinh cosz = sin 3z . Tinh tong cic nghiém thudc khoang (0 ;27r) cua phuong

trinh (Iam tron dén hang phan chuc).
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Hoc dé khang dinh minh!

Cau 2. Ho nghiém phuong trinh lugng giéc: \/gtan%x =3codangzr=0a +k-b (k € Z), voi

\ A A . mo A K As o , ey n
m;n 1a cac sO nguyén va — la phan so6 to1 gian. Tinh gid tri P = m
n
Céu 3. Mua xuin ¢ Hoi Lim (tinh Bic Ninh) thuong c6 tro choi du.
Khi nguodi choi du nhun déu, cay du s€ dua nguoi choi du dao dong
qua lai vi tri can bang. Nghién ctru tro choi nay, nguoi ta thay
khoang cach h (mét) dugc tinh tir vi tri chan nguoi choi du dén vi

tri can bing duoc bidu dién bsi hé thic h = \d\ véi

d = 3cos %(215 — 1) (t > 0 va dugc tinh bang gidy), trong do ta

Vi tri can bang

quy u6c d > 0 khi vi tri cAn bang & vé phia sau lung nguoi choi du
va d < 0 trong truong hop nguoc lai. Hdi trong 3 gidy dau tién, co
tat ca bao nhiéu lan ngudi choi du ¢ céach vi tri can bang 1 mét?

PHAN IV. Ty ludn

cua

Cau 1. Cho phuong trinh 008[233 + g] = COS [% — g] Tim sb nghiém thudc khoang [g ;8%

phuong trinh.
CAu 2. Mot vé tinh bay quanh Trai Dét theo mot quy dao hinh Elip (nhu hinh v&):
Vé tinh

h =100

Do cao A (tinh béng kilomet) ctia vé tinh so véi bé mat Trai Dat duge xac dinh boi cong thurc
h = 550 4 450 - cos %t . Trong d6 t 13 thoi gian tinh bang phut ké tir Iiic vé tinh bay vao quy dao.

Nguoi ta can thyuc hién mot thi nghiém khoa hoc khi v€ tinh cach mat dat 250km . Trong khoang
60 phut dau tién ké tr luc v¢€ tinh bay vao quy dao, hdy tim thoi diém ¢ dé co6 thé thyc hién thi
nghiém d6? (ket qua lam tron den chir so thap phan thir 1)

A Ay A A . ) X 1t 1y A T A o A
Cau 3. Mot cay cau c6 dang cung AB cua do thi hamso y = 4,2 - cosg va dugc mo ta trong hé

truc toa do voi don vi truc 1a mét nhu ¢ hinh v€ bén dudi.
YA

A Y

—4n O 4“ X

¥
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Mot sa lan ché khoi hang hoa dugce xép thanh hinh hdp chit nhat véi d¢ cao 3m so véi muce nudc
song sao cho sa lan c6 thé di qua dugc gam cau. Ching minh rang chi€u rng cua khoi hang hoa
d6 phai nh6 hon 12,5(m).

PE KIEM TRA KET THUC CHUONG I: “HAM SO LUQNG GIAC VA PHUONG
TRINH LUQNG GIAC”
PHAN I. Céu tric nghi¢ém nhiéu phwong 4n lra chon. Thi sinh tra 16i tir cAu 1 dén ciu 12.
MGi cdu héi thi sinh chi chon mét phwong dn.
Cau 1. Trong cac cong thic sau, cong thirc nao dang?

r+y r—=y

: : T+ x—
A. sinz +siny = 2cos .COS Y Y

B. sinz + siny = 2sin .COS

2

. . . + . -
C.sinz +siny = —2sin Z 5 Y sin2"Y

2
TH+Yy . T—Y

D. sinz + siny = 2cos 5 .sin

2 2
Cau 2. Phuong trinh tan (23@ - %j =1 c6 nghiém la:
A.x=7—”+k7z(kez) B.z= " k—(keZ)
12 12
c.x=7—”+k1;(kez) D.g;=7—”+/m(kez)
24 2 24
Céu 3. Phuong trinh Sin(?)x + %J = —@ c6 nghiém 1a
x=- 2z k— x:2—7z kz—”
A. 9 3 (kez) B. 9 3 (keiz)
V4 2z V4 2
r=—+k— r=—-——+k—
L 3 3 L 3 3
o2 2w g 2F 2
C 3 3 (kez) D 3 3 (kez)
V4 2z V4 2
r=—+k— r=—-——+k—
L 9 3 L 9 3
Ciu 4. Biét sina = —% gia tri cua sin(m —a) 1a
. ) 1
A. sin(m —a) = = B. sin(m —a) = —3
C. sin(w—a):—ﬁ. D. sin(w—a)zﬁ.
2 2
Cau 5. Cho g < & < m, khang dinh nao sau day 1a dung?
A. tanzx > 0. B. cosx > 0. C.sinz > 0. D. cotz > 0.
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Hoc dé khang dinh minh!

Cau 6. Cho goc MON = 60°. Xac dinh s6 do goc luong giac duoc N
biéu dién trong hinh duéi day?
A. —420°. B. 60°. C. —300°. D. 300°.
Céu 7. D6i s6 do cua goc 72° radian.

2 2 Nl
A, = B. —.

5 5 M
c.”. p. 7.

2 r 5 r r ~
Cau 8. Ham s6 nao trong cac ham s6 sau la ham s6 chan?
A.y=sinz B.y =22° C.y=2 D. y = cosz
Céu 9. Cho hinh v& bén dudi, s6 do ciia goc luong giac (OA, oM ) y
la: M
A. 150° + k360°,k € Z.  B. 30° + k360°,k € Z. N )
C. —150° + k360°,k € Z. D. —30° + k360°,k € Z. u 4
Cau 10. Banh xe dap c6 ban kinh 50 ¢cm . Mot nguoi quay banh xe
5 vong quanh truc thi quang duong di dugc la
A. 500 (cm). B. 10007 (cm ). C. 250 (cm). D. 2007 (cm).
Céu 11. Tap xéc dinh cia ham s6 y = — 1 la

sin 2x
T i

A.D:{ka,lm,kEZ}. B.D:R\{ka,kGZ}.
C.D=R\{km ke Z}. D. D =R\ {k2mk € Z}.

Cau 12. Trong cac ménh dé sau, mé€nh dé nao ding?

A. Ham sb y = sinz dong bién trén [%;5%]. B. Ham s6 y = tanz dong bién trén [%;5%].

C. Ham s6 y = cosz ddng bién trén [9777;571]. D. Ham s6 y = cotz ddng bién trén [97%;577].

PHAN IL Céu triic nghi¢m ding sai. Thi sinh tri 1oi tir ciu 1 dén céu 4. Trong méi y a), b),
¢), d) 6 moi cau, thi sinh chon dung hoic sai.

" AL 1 3 . as
Cau 1. Cho bict sinz = —T var<zx< 77[ Khi @6
5)
Ménh dé Ping | Sai
(a) | cosz <0 va cosz 2
a =
V5
(b) | tan (7r — x) =tanz
4
(¢) | sin2x = —
5)
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(d)

Biéu thirc A = sin (57r — x) + cos (1377[ + x] —tan (m - 157[) co giatri

.3
bang —
8 5

Céu 2. Cho ham s6 y = sinz.

Ménh dé

Diing

Sai

(@

Chu ki tuan hoan cta ham so la 27 .

(b)

Tép xéc dinh cila ham s§ 1a D = R\ {km,k € Z}.

(©)

Tép gid tri clia ham s6 1a T' = (—1;1).

(d)

Tap nghiém cua phuong trinh sinx = % la

S={%+k2ﬂ;%+k27ﬂk€Z}.

Cau 3. Cho phuong trinh cos2z — 3sinz —2 =0 (*)

Ménh dé

Diing

Sai

(@

Chu ki tuan hoan ctia ham s6 y = cos2x —3sinx —2 la «

(b)

bit t = sinz,— 1 < ¢t <1 thi phuong trinh tr¢ thanh 2¢* + 3t -1=0

(©)

T = —% + k27, (k € Z) la mot ho nghiém cia phuong trinh

(d)

Phuong trinh (*) ¢6 tong cong 3 diém biéu dién trén duong tron lwong
giac

Ciau 4. Chohamsd y = tan’z — 1.

Ménh dé

Pung

Sai

(@

Tap xéac dinh cia ham s trén 1a D = R \ {g + km,k € Z}.

(b)

Ham so0 trén 1a ham so chan.

(c)

Tap gia tri ctia ham sd trén 1a [0;—1—00).

(d)

Chi c6 duy nhat mot gia tri z € [0;7'('] sao cho y = 0.

PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 10i tir cAu 1 dén ciu 3.
Cau 1. Trén mot manh dit hinh vudng ABCD , bac An dit mot chiée dén pin tai vi tri A chiéu
chum sang phan ki sang phia goc C'. Bac An nhan thdy goc chiéu sang cua dén pin gidi
han boi hai tia AM va AN, & d6 cac diém M, N lan luot thudc cac canh BC', CD sao

cho BM = iBC ,DN = %DC . Goc chiéu sang cua dén pin bang bao nhiéu do ?
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Hoc dé khing dinh minh!

M

A B

Cau 2. Céi xay gio 1a mot loai may chay bang strc gi6. May nay dugc thiét ké
d€ bien nang lugng gid thanh cac dang nang lugng khac hitu dung hon.
Mot diém M nam trén canh cua cdi xay gio nhu hinh vé.

Khi canh quat quay, vi tri thdp nhat va cao nhit ctia M so v6i mat dat
lan lugt 1a 8 mét va 22 mét. Xét mot vong quay cua M bat dau tu vi tri
thap nhat. Khi canh quay déu, khoang cach i to M dén mat dat dugc

tinh theo cong thuc h = A.COS[%T:B + C, voi z 1a thoi gian quay cua

diém M (:1: > O).H(")i sau 4 giay, diém M cach mat dit bao nhiéu mét?
Ciau 3. Nhiét 46 ngoai troi T vao thoi diém ¢ gio (0 <t< 24) trong mot ngay & mot kho dong

lanh tinh bang cong thie 7' = 10 + 5sin [%t — %T] Dé bao quan thyc pham, hé thong

diéu hoa s& tu dong bat khi nhiét do ngoai troi tr 10°C' trd 1én. Biét rﬁng, trong 1 ngay
hé théng diéu hoa s& bat trong khoang [a;b] U [c;d) .Gia tri ciia a + b+ ¢ + d bang:

PHAN IV. Tu luin
Ciau 1. Biét rang tong tit ca cac nghiém trong khoang (0;2#) cua phuong trinh

(2 cos 2z + 5)(sin2x — cos’ :c) =0 1a S =oan (voi o la sd nguyén). Gia tri cua biéu thuc

P = 25a 4 23 bang bao nhiéu ?
Cau 2. Cho goc « thoa man sina = % Tinh gi tri biéu thirc P = cos’ 2z + cos’ z

Cau 3. Motsoiday cap R duoc gén vao mot cot théng o
ding & vi tri cach mat dat 10 m. Mot soi cap !
S khéc cling duoc gén vao c¢Ot do ¢ vi tri cach
mat dat 7m. Biét rang hai so cap trén cung
duoc gén véi mat dat tai mot vi tri cach chan
cOt 12m. Tinh tana, & d6 « la goc gitra hai
soi cap trén ? (Lam tron két qud dén hang phan
chuc cua don vi do)

10 m

12m
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Hoc dé khing dinh minh!
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