TAI LIEU ON THI THPTQG 2021

Chuyén dé 9 NHAN DIEN KHOI A DIEN

DANG TOAN DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM

. Hinh da dién la hinh tao boi mot s6 hitu han cac da giac thdéa man hai tinh chat:

« Hai da giac phan biét chi c6 thé hodc khong cd
diém chung, hodc chi ¢c6 mot dinh chung, hodc . Canh
chi c6 mét canh chung. Mt

+ Moi canh cua da giadc nao cling la canh chung ctia

dung hai da giac.
Mbi da gidc nhu thé goi 1a mot mit ctia hinh da
dién.

. Khéi niém vé khoi da dién: Khdi da dién 1a phan khong gian dugc gidi han boi 1
hinh da dién, k€ ca hinh da dién d6.

. Khéi da dién 16i: Khéi da dién (H) dwgc goi la khoi da dién 16i néu doan théng noi
hai diém bat ki caa (H) ludn luon thude (H).

. Khoi da dién déu 1a khéi da dién 18i c6 tinh chat sau day:

« Mbi mit ctia nd 1a mot da gidc déu p canh.

« Mbi dinh ctia né 1a dinh chung ctia dting ¢ mat.

Khéi da dién déu nhu vay dwoc goi 1a khdi da dién déu loai {p;q}.

DPinh li: Chi ¢ ndm loai khoi da dién déu. Do la loai {3;3}, {4;3}, {34}, {5;3} va

{3;5}.
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5. Phép doi xitng qua mat phang
O Dinh nghia
« Phép ddi ximg qua mit phang (P) 1a phép bién hinh, bién mdi diém thugc (P) thanh chinh n6 va
bién mdi diém M khong thudc (P) thanh diém M’ sao cho (P) 1a mit phing trung tryc ctia doan
thang MM’
« Néu phép d6i xtimg qua mit phang (P) bién hinh H thanh chinh n6 thi (P) duoc goi 1a mat phang
dbi xtmg cta hinh H.
[ Mt phing ddi xirng ciia mét s6 hinh thuong gip
« Hinh hdp chir nhit ¢é 3 kich thirc khac nhau: c6 3 mit phang ddi ximg.
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+ Hinh chép tam giac déu: c6 4 mit phang d6i xtng.
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1. Nhéan dang khdi da dién|
Céu 1. (Pé Tham Kh:o 2017) Hinh da dién trong hinh v& c6 bao nhiéu mit?

A. 12 B. 11 C.6 D. 10
Céau 2. (THPT Viét Dirc Ha Noi 2019) Hinh da dién sau c6 bao nhiéu canh?

....

....

A. 15 B. 12 C. 20 D. 16
Ciu 3. (Chuyén Lwong Thé Vinh Pong Nai 2019) Hinh chop ngil giac co bao nhiéu mat?
A. Bay. B. Sau. C. Nam. D. Muoi.

Cau 4. (THPT Vi¢t Pirc Ha Ngi 2019) Trong mot khdi da dign, ménh dé nao sau day dang?
A. Hai canh bat ky co it nhat mot diém chung
B. Ba mit bét ki cé it nhéi; mot dinh chung
C. Ha~i mat bat ki c6 it nhat mot diérp chung
D. Moi dinh 1a dinh chung cua it nhat ba mat
Céu 5. (Chuyén Lwong Vin Chanh Phi Yén 2019) Trong cac ménh dé sau, ménh dé nao ding?
A. T@n tai hinh da dién c6 s0 dinh va so mit béng‘ nhau.
B. Sc} dinh va s0 mat ciia mot hiqh da dién lgén béqg nhau.
C. T@n tai mot hinh da dién co sc} canh Ve} SO mat bang nhau.
D. To6n tai mdt hinh da dién ¢6 s6 canh bang so dinh.
Cau 6. (THPT Quynh Luu 3 Nghé An 2019) Hinh nao sau day khong phai 1a hinh da dién?
A. Hinh lang tru. B. Hinh chop. C. Hinh lap phuong. D. Hinh vuéng.
Cau 7. (Chuyén Tran Phi Hai Phong 2019) Cho cic ménh dé sau:
I/ S6 canh ctia mgt khoi da dién 161 luén 16n hon hodc bang 6.
I/ S6 mit ctia khoi da dién 16i ludn 16n hon hodc bang 5.
111/ S6 dinh cua khéi da dién 16i luén 16n hon 4.

Trong cac ménh dé trén, nhitng ménh de nao 1a ménh de dung?

A. Il vaIll B.1vall C.Chil D.Chill
Cau 8. (Nhén Chinh Ha Noi Niim 2019) Cho khoi da dién déu. Khang dinh nao sau ddy 1a sai?
A. S0 dinh cua khoi lap phuong bang 8. B. SO mat cua khoi tir dién déu bang 4 .
C. Khdi bat dién déu 1a loai {4;3}. D. S6 canh ciia khoi bat dién déu bang 12.
Ciu 9. (THPT Nghia Hung Nam Pinh 2019) C6 tit ca bao nhiéu khdi da dién déu
A. 6. B. 5. C.7. D. 4.
Ciu 10. (THPT Phan Ping Luu - Hué -2018) S canh cua hinh 12 mat déu la:
A. 20. B. 30. C.16. D. 12.

Cau 11. (THPT Chuyén Bién Hoa - Ha Nam - 2018) Hinh nao dudi day khong phai 1a hinh da di¢n?
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Hinh I Hinh 2 Hinh 3 Hinh 4
A. Hinh 3. B. Hinh 2. C. Hinh 4. D. Hinh 1.

Céu 12. (THPT Doan Thugng - Hii Phong - 2018) Khéi da dién déu loai {3;5} 1a khéi
A. Hai muoi mat déu.  B. Tam mit déu. C. Lap phuong. D. T dién déu.
Cau 13. (THPT Lwong Thé Vinh - HN - 2018) Hinh v& bén dudi c6 bao nhiéu mat

..........

A. 7. B. 9. C. 4. D. 10.

Céu 14. (THPT Chuyén LHP - 2017) Biét (H) 1a da dién déu loai {3;5} v&i s6 dinh va s6 canh lan luot
la a va b.Tinh a-b.

A. a-b=18. B.a-b=-8. C.a-b=-18. D. a-b=10.
Ciu 15. (THPT Can Ljc - Ha Tinh - 2018) Goi # 1a s6 hinh da dién trong bon hinh trén. Tim 7.
A. n=3. B. n=2. C.n=1. D. n=4.

Cau 16. (SGD Binh Duong - 2018) Khoi da dién déu loai {4;3} la:
A.Khdi tir dién déu.  B. Khdi 1ap phuong.  C. Khdi bat dién déu. D. Khdi hop chir nhat.

Céau 17. (Chuyén Tuyén Quang — 2017) Khéi da dién déu nao sau ddy c6 miat khong phai 14 tam giac
déu ?
A. Tam mit déu. B. Tt dién déu. C. Mudi hai mat déu. D. Hai muoi mit déu.

Ciau 18. (THPT P6 Luong 4 - Ngh¢ An —2018) S6 hinh da dién 16i trong cac hinh duéi day 1a

DA

A. 0 B.1 C.2 D.3

A Y

\

Cau 19. (THPT Thanh Mi¢n - Hii Dwong - 2018) Cho khdi da dién déu loai {3;4} . Tong céc goc phang

tai 1 dinh cua khoi da dién bang
A. 324°. B. 360°. C. 180°. D. 240°.

Ciu 20. (Chuyén Hung Yén— 2017) Hinh nao dudi day khong phai 1a mot khéi da dién?
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Cau 21. (THPT Xuén Trwong - Nam Dinh - 2018) Hinh nao dudi day khong phai 1a hinh da dién?
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Céu 22. (THPT Nguyén Thi Minh Khai - Ha Tinh 2018) Khi da dién 12 mit déu c6 sb dinh va sb canh
lan luot 1a

>

A. 30 va 20. B. 12 va 20. C. 20 va 30. D. 12 va 30.
Ciu 23. (THPT Lé Quy Pon - Hai Phong - 2018) Khéi hai muoi mit déu thudc loai nao sau day?
A. {3;4} B. {4;3} C. {3;5} D. {53}

Ciu 24. (THPT Kim Lién - HN - 2018) Khéi da dién c6 muoi hai méat déu c6 sd dinh, sé canh, sé mit lan
luot 1a:
A. 30, 20, 12. B. 20, 12, 30. C. 12, 30, 20. D. 20, 30, 12.

Cau 25. (THPT Ha Huy Tap - Ha Tinh - 2018) Trong cac hinh dud¢i day hinh nao khong phai da dién

S AHA T

Hinh I Hinh 11 Hinh IIT Hinh IV
A. Hinh (IV). B. Hinh (III). C. Hinh (II). D. Hinh (I).
Cau 26. (THPT Chuyén Ha Long - QNinh - 2018) Hinh da dién bén c6 bao nhiéu mat?

A. 7. B. 11. D. 10.
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Cau 27. (THPT Ngoé Gia Tw Vinh Phic 2019) Mot hinh lang tru c6 ding 11 canh bén thi hinh lang try d6
¢6 tht ca bao nhiéu canh?
A. 33. B. 31. C. 30. D. 22.

Cau 28. (THPT Bach Ping Quang Ninh 2019) Trong céac hinh du6i ddy, hinh nao 13 hinh da dién?

7

Hinh 1 Hinh 2 Hinh 3 Hinh 4

A. Hinh 4. B. Hinh 2. C. Hinh 1. D. Hinh 3.

Ciu29. (THPT Quang Trung Pong Pa Ha Ngi 2019) Cho da giac déu 16 dinh, Hoi c6 bao nhiéu tam
giac vuong co ba dinh 1a ba dinh cta da giac déu do?
A. 560. B. 112. C. 121. D. 128.

Ciu 30. (Pé B Giao Duc) Hinh da dién nao duéi day khong co tam ddi xtimg?

A. Tt dién déu. B. Bat dién déu. C. Hinh lap phuong.  D. Ling try lyc giac déu.

Dang 2. Tinh chét déi xing

Cau 31. (Ma 123 2017) Hinh hop chit nhét c6 ba kich thudc d6i mdt khac nhau c6 bao nhi€u mat phéng

dbi xtmg? i ) i i
A. 6 mat phang B. 9 mit phang C. 3 mat phang D. 4 mat phang
Céu 32. (Chuyén Lé Hong Phong Nam Pinh 2019) Hinh tr dién déu c6 bao nhiéu tryc dbi xting?
A. 0. B. 1. C.3. D. 2.

Céiu 33. (THPT Gia Loc Hai Duwong 2019) Mot hinh hop dimg c6 ddy 1a hinh thoi (khong phai 1a hinh
vuong) ¢ bao nhiéu mét phang doi ximg? q ] i

A. 3 mat phang. B. 4 mat phang. C. 2 mat phang. D. 1 mat phang.
Céu 34. (SGD Binh Duong - 2018) Hinh hop chir nhét c6 ba kich thude déi mot khac nhau ¢ bao nhiéu
mat phang do6i xing? q i

A. 6 mat phang. B. 4 mat phang. C. 3 mat phang. D. 9 mat phang.
Ciu 35. (Chuyén Quéc Hoc Hué -2018) Hinh tt dién déu c6 tat ca bao nhiéu mit phang ddi ximg?

A. 6. B. 3. C. 4. D. 2.

Ciu 36. (THPT Phan Pinh Phung - Ha Tinh - 2018) Hinh nao sau day khong co truc d6i xung?
A. Hinh hp xién. B. Tam giac deu. C. Hinh tron. D. Buong thang.

Ciu 37. (Chuyén KHTN- 2017) Biét rang mét hinh da dién H ¢6 6 mit 1a 6 tam gidc déu. Hay chi ra
ménh dé nao dudi day 1a ding?

A. Khong ton tai hinh H nao c6 mit phang dbi xtmg.

B. C6 t6n tai mot hinh H ¢6 ding 4 mit ddi ximg.

C. Khong ton tai hinh H nao c6 dung 5 dinh.

D. C6 ton tai mot hinh H ¢6 hai tm dbi xtng phan biét.

Ciu 38. (Chuyén Thai Binh - 2018) Hinh chop tir gidc déu c6 bao nhiéu mat phing déi xtng?
A. 2. B. 6. C. 8. D. 4.

Ciu 39. (Chuyén Quéc Hoc Hué - 2018) Hinh da dién nao duéi day khong c6 tam ddi ximg?
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A. Hinh bat dién déu.  B. Hinh tt dién d€u.  C. Hinh 1ap phuong D. Hinh lang try t& giac
deu.
Ciu 40. (Chuyén Ha Long - QNinh - 2018) Hinh nao dudi nao dudi diy khong co truc dbi xtung?
A. Tam giac can. B. Hinh thang cén. C. Hinh elip. D. Hinh binh hanh.
Céiu 41. (THPT Pang Thuc Hira-Nghé An- 2018) Hinh lang tru tam giac déu c6 tat ca cac canh bang
nhau c¢6 bao nhiéu mat phang doi xing?

A. 4. B.3. . C. 5. 7 ’ D. 6.
Cau 42. (Vinh Phic - 2018) Khoi bat dién déu c6 bao nhi€éu méat phang doi xung?
A. 8. B. 4. C.9. D. 6.

Ciu 43. (Chuyén Tran Pha Hii Phong 2019) Cho khdi lap phuong ABCD.A'B'C'D’ phép ddi ximg qua
mit phing (ABC'D’) bién khoi tir dién BCDD' thanh khéi tir dién nao sau déy?
A. BCA'D' B. BB'A'D' C. BBC'A D. BC'D'A'

Dang 3. Phan chia, lip ghép khéi da diénl

Ciu 44. (M4 110 2017) Mit phang (A4B'C') chia khéi lang tru ABC.A'B'C’ thanh c4c khéi da dién nao?

A. Hai khoi chép tir gidc.

B. Hai khoi chop tam giéc. )

C. Mot kh@i chop tam giac va mot khoi chop ngii gidc.

D. Mot khoi chop tam gidc va mot khoi chop tur giéc.
Cau 45. (THPT An Lio Hai Phong 2019) Cit khoi tru 4BC.A'B'C' béi cac mat phang (4B'C') va
(ABC") ta dugc nhimg khéi da dién nao?

A. Hai khéi tir dién va hai khoi chop t gidc.

B. Ba khﬁi’tﬁ' dién. ’

C. Mot khot tir dién va hai khoi chop tr giac.

D. Hai khoi tir dién va mot khoi chop tr giac
Ciu 46. (THPT Poan Thuong - Hai Phong - 2018) Cho khéi t dién ABCD. Liy diém M nam giita 4
va B, diém N ndm gilta C va D. Bing hai mit phing (CDM ) va (ABN), ta chia khoi tir dién d6 thanh
bbn khdi tir dién nao sau day?

A. NACB, BCMN , ABND, MBND. B. MANC, BCDN, AMND , ABND .

C. MANC, BCMN , AMND , MBND . D. ABCN , ABND, AMND , MBND .

Ciu 47. (THPT An Léo 2017) Cit khdi tru ABC.A'B'C’ béi cac mit phang (A4B'C') va (ABC') ta duge
nhimg khoi da di¢n nao? , ,

A. Mot khoi tir dién va hai khoi chop tr giae.  B. Ba khoi tr dién. )

C. Hai khoi tr dién va hai khoi chop tor gidc.  D. Hai khoi tir dién va mot khoi chop tir giac.
Cau 48. (THPT Ngb Quyén- 2017) Cit khoi lang tru MNP.MN'P' bdi cac mit phang (MN'P') va
(MNP')ta dugc nhitng khoi da dién nao?

A.Bakhoitrdién.  B. Hai khdi tir dién va mot khoi chop tir gidc. ,

C. Hai khoi tir dién va hai khoi chop tir giac.  D. Mot khai tir dién va mot khoi chop tir giac.
Ciu 49. (THPT Yén DPinh - Thanh Héa 2018) C6 thé chia mot khdi 1ap phuong thanh bao nhiéu khdi tir

dién co thé tich bang nhau ma cac dinh cua tr dién cling 1 dinh cta hinh lap phuong?
A. 2. B. 8. C. 4. D. 6.

Ciu 50. (THPT Lwong Thé Vinh Ha Ni 2019) Cho da giac déu c6 2018 dinh. Hoi c6 bao nhiéu hinh
chii nhét c6 4 dinh la cac dinh cta da giac da cho ?
A. Cyys.- B. C},. C. Cos- D. C,.
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Chuyén dé 9 NHAN DANG KHOI bA DIEN

DANG TOAN DANH CHO POI TUQNG HQC SINH TRUNG BiNH
Ciu 1. (Pé Tham Khao 2017) Hinh da dién trong hinh v& ¢ bao nhiéu mit?

B

A. 12 B. 11 C.6 D. 10
Loi giai

Chon B
Pém day hinh chop co 5 mat tam giac va 5 mat t giac va 1 mat ngii giac. Vay ¢ 11 mat.

Cau 2. (THPT Viét Pirc Ha N9i 2019) Hinh da di¢n sau c6 bao nhiéu canh?

....
-

“““““

A. 15 B. 12 C. 20 D. 16
Loi giai
Chon D
Ly thuyét

Ciu 3. (Chuyén Lwong Thé Vinh Pong Nai 2019) Hinh chop ngil giac c¢6 bao nhiéu mat?
A. Bay. B. Sau. C. Nam. D. Muoi.
Loi giai

B

Hinh chdp ngili giac c6 nam mat bén va mdt mat day, nén s6 mat cia no 1a sau mat.
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Ciu 4. (THPT Viét Pirc Ha Ni 2019) Trong mot khdi da dién, ménh dé nao sau day ding?
A. Hai canh bat ky c6 it nhat mot diém chung
B. Ba mit bat ki c6 it nhat mot dinh chung
C. Hai mit bat ki c6 it nhit mot diém chung
D. Mbi dinh 1a dinh chung cua it nhit ba mat
Loi giai
Chon D
Theo tinh chat khdi da dién sgk hinh hoc 12.

Ciu 5. (Chuyén Lwong Vin Chanh Phu Yén 2019) Trong cdc ménh dé sau, ménh dé nao diing?
A. Ton tai hinh da dién c6 s6 dinh va s6 mit bﬁng nhau.
B. SO dinh va s6 mit cia mét hinh da dién ludn bﬁng nhau.
C. Ton tai mot hinh da dién ¢ s6 canh va sé mit béng nhau.
D. Ton tai mot hinh da dién c6 s6 canh bang sb dinh.
Loi giai
Hinh tt dién c6 sb dinh bang s6 mit va bang bon.
Cau 6. (THPT Quynh Luu 3 Nghé An 2019) Hinh nao sau day khong phai 1a hinh da dién?
A. Hinh lang try. B. Hinh chop. C. Hinh lap phuong. D. Hinh vuéng.
Loi giai
Chon D.
Cau 7. (Chuyén Tran Pha Hai Phong 2019) Cho cac ménh dé sau:
I/ S6 canh ciia mot khéi da dién 16i ludn 16n hon hodc b?mg 6.
11/ S6 mit ctia khoi da dién 16i ludn 16n hon hodc bang 5.
111/ S6 dinh ctia khdi da dién 16i luon 16n hon 4 .
Trong cac ménh dé trén, nhitng ménh dé nao 1a ménh dé dang?
A. Il valll B.1vall C.Chil D. Chi II
Loi giai
Ménh dé II sai vi khéi tir dién 1a khdi da dién 16i c6 s6 mat nho hon 5
Ménh d& III sai vi khéi tir dién 14 khéi da dién 16i c6 4 dinh

Ciu 8. (Nhian Chinh Ha Ngi Niim 2019) Cho khéi da dién déu. Khang dinh nao sau day 14 sai?

A. S6 dinh ciia khéi 1ap phurong bang 8. B. S6 mit ctia khdi tir dién déu bang 4 .
C. Khoi bt dién déu 1a loai {43} . D. S6 canh ctia khoi bat dién déu bang 12.
Loi giai

Chon C
Khoi bat dién déu 1a loai {3;4}.

Ciu 9. (THPT Nghia Hung Nam Pinh 2019) C6 tat ca bao nhiéu khéi da dién déu
A. 6. B. 5. C.7. D. 4.
Loi giai
Chon B
C6 tat ca 5 khoi da dién déu la: Khéi tir dién déu, khoi lap phuong, khéi bat dién déu (hay khi
tam mat déu), khdi mudi hai mit déu va khéi hai muoi mit déu.

Ciu 10. (THPT Phan Ping Luru - Hué -2018) S6 canh cua hinh 12 mat déu la:
A. 20. B. 30. C. 16. D. 12.
Loi giai
Chon B
Ta ¢6 s6 canh ciia hinh mudi hai mit déu 1a 30.

Cau 11. (THPT Chuyén Bién Hoa - Ha Nam - 2018) Hinh nao du6i day khong phai 1a hinh da dién?
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Hinh I Hinh 2 Hinh 3 Hinh 4
A. Hinh 3. B. Hinh 2. C. Hinh 4. D. Hinh 1.
Loi giai
Chon A

C6 mot canh 1a canh chung cua 3 mat.
Cau 12. (THPT Doan Thugng - Hii Phong - 2018) Khéi da dién déu loai {3;5} 1a khoi
A. Hai muoi mat déu.  B. Tam mit déu. C. Lap phuong. D. T dién déu.
Loi giai
Chon A
Theo SGK Hinh hoc 12 trang 17 thi khi da dién déu loai {3;5} 1a khdi hai muoi mat déu.

Céu 13. (THPT Luwong Thé Vinh - HN - 2018) Hinh v& bén duéi c6 bao nhiéu mat

*************

Chon B

Tur hinh v€ 1 suy ra c6 9 mat.

Céu 14. (THPT Chuyén LHP - 2017) Biét (H) 1a da dién déu loai {3;5} v¢i s6 dinh va s6 canh lan luot

la a vab.Tinh a-b.
A. a-b=18. B.a-b=-8. C.a-b=-18. D. a-b=10.
Loi gidi
Chgn C
Da dién déu loai {3;5} 1a khoi hai muoi mit déu véi sd dinh @ =12 va sé canh b=30.

Dodb a-b=-18.

Céu 15. (THPT Can Lgc - Ha Tinh - 2018) Goi n 1a s6 hinh da dién trong bon hinh trén. Tim 7.
A.n=3. B. n=2. C.n=1. D. n=4.
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S6 hinh da dién 1a 3 vi hinh dau tién khong phai hinh da dién.

Cau 16. (SGD Binh Duong - 2018) Khoi da dién déu loai {4;3} la:

A.Khéi t dién déu.  B. Khdi 1ap phuong.

Chon B

Theo dinh nghia khéi da dién déu loai {4;3} 1a khéi co: M&i mit la 1 da gidc déu c6 4 canh (hinh

Loi giai

C. Khbi bat dién déu. D. Khéi hop chir nhat.

vuong), mdi dinh 14 dinh chung ctia dung 3 mat. Vay no 1a khi lap phuong.
Theo bang tom tat vé nam loai khoi da dién déu

Loai Tén goi S6 dinh S6 canh SO mat
{33} | T dién déu 4 6 4
{4;3} Lap phuong 8 12 6
{3;4} | Bat dién déu 6 12 8
{5:3} | Muoi hai mat déu 20 30 12
{3:5} | Hai muoi mat déu 12 30 20

Ciu 17. (Chuyén Tuyén Quang — 2017) Khéi da dién déu nao sau day c6 mit khong phai 1 tam giac

deu ?

A. T4m mat déu. B. TG dién déu.

Chon C

Hinh khéi 12 mat déu.

Ciu 18. (THPT P6 Luong 4 - Ngh¢ An —2018) S6 hinh da dién 16i trong cac hinh duéi day 1a

Eane!

A. 0 B.1

DA

C.2
Loi giai

C. Mudi hai mat déu.  D. Hai muoi mit déu.
Loi giai
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Chon B
Quan sat bon hinh trén ta thiy chi c6 mot hinh thir tu tir tréi qua 1a hinh da dién 16i vi 13y bat ky
hai diém nao thi doan thang ndi hai diém d6 nam trong khdi da dién.
Vay chi c6 mot da dién 16i.

Cau 19. (THPT Thanh Mién - Hai Dwong - 2018) Cho khoi da dién déu loai {3;4}. Tong céc géc phing
tai 1 dinh cua khdi da dién bang
A. 324°. B. 360°. C. 180°. D. 240°.
Loi giai
Chon D
Khoi da dién déu loai {3;4} 1a khoi bat dién déu, mdi mit 1a mot tam giac déu va tai mdi dinh c6

4 tam giac déu nén tong cac goc tai 1 dinh bang 240°.

Ciu 20. (Chuyén Hung Yén- 2017) Hinh nao dué6i diy khong phai 1a mot khéi da dién?

A . B.. .

C. n n, D. a ] =,
Loi giai

Chon D

Cau 21. (THPT Xuén Trwong - Nam Dinh - 2018) Hinh nao dudi day khong phai 1a hinh da dién?

[ -

A. . B. L~ e C.* 3 p. L .

Loi giai

Chon A

Ciu 22. (THPT Nguyén Thi Minh Khai - Ha Tinh 2018) Khi da dién 12 mit déu co6 s6 dinh va sb canh
lan luot 1a

A. 30 va 20. B. 12 va 20. C. 20 va 30. D. 12 va 30.
Loi giai
Chon C
Céu 23. (THPT Lé Quy Pon - Hai Phong - 2018) Khéi hai muoi mit déu thudc loai ndo sau day?
A. {3;4} B. {4;3} C. {35} D. {5;3}
Loi giai

Chon C
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Khoi hai muoi mét déu c6 cac mat 1a tam giac nén thude loai {3; 5} .

Ciu 24. (THPT Kim Lién - HN - 2018) Khéi da dién c6 mudi hai mat déu c6 sd dinh, sé canh, sé mit lan
luot 1a:

A. 30, 20, 12. B. 20, 12, 30. C. 12, 30, 20. D. 20, 30, 12.
Loi giai
Chon D
Cau 25. (THPT Ha Huy Tap - Ha Tinh - 2018) Trong cac hinh du¢i day hinh nao khong phai da dién
16i?
‘ ‘
Hinh I Hinh I Hinh [T Hinh IV
A. Hinh (IV). B. Hinh (III). C. Hinh (I). D. Hinh (I).
Loi giai
Chon A
N

Ta c6 dudong nbi hai diém MN khong thudce hinh IV nén day khong phai 1a da dién 16i.

Cau 26. (THPT Chuyén Ha Long - QNinh - 2018) Hinh da dién bén c6 bao nhiéu mat?
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A. 7. B. 11. D. 10.

Chon D
Hinh da dién bén c6 10 mat.

Cau 27. (THPT Ngo Gia Ty Vinh Phic 2019) M6t hinh lang tru ¢6 ding 11 canh bén thi hinh lang tru d6
c6 tat ca bao nhiéu canh?
A. 33. B. 31. C. 30. D. 22.
Loi giai
Chon A
Hinh lang tru ¢ 11 canh thi day c6 11 canh bén. Vay hinh lang tru ¢6 33 canh.

Ciu 28. (THPT Bach Ping Quang Ninh 2019) Trong cac hinh dudi ddy, hinh nao 14 hinh da dién?

17

Hinh 1 Hinh 2 Hinh 3 Hinh 4
A. Hinh 4. B. Hinh 2. C. Hinh 1. D. Hinh 3.
Loi giai

Hinh 1, Hinh 2, Hinh 4 khong phai hinh da dién vi n6 vi pham tinh chat: “ mdi canh 13 canh chung
cua dang hai mat”.

Ciu29. (THPT Quang Trung Pong Pa Ha Ngi 2019) Cho da gidc déu 16 dinh, Hoi c6 bao nhiéu tam
gidc vudng c6 ba dinh 1a ba dinh cua da gidc déu d6?
A. 560. B. 112. C. 121. D. 128.
Loi giai

Ta c6 da giac déu c6 16 dinh nén c6 8 dudong chéo qua tam. Ung véi mdi dudong chéo qua tam co
14 tam giac vudng. Vay c6 8.14 =112 tam giac.

Ciu 30. (Pé B Gido Duc) Hinh da dién nao duéi day khong co tim ddi ximg?
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i
| +
% T
! B ~
-
I P p ~
-
L

A. Tt dién déu. B. Bat dién déu. C. Hinh lap phuong.  D. Ling try luc giac déu.
Loi giai

e ——
i
e et

Chon A
Dé dang thay hinh bat dién déu, hinh 18p phuong va hinh lang truc luc giac déu c6 tam doi xing.
Con tu dién déu khong c6 tdm doi xing.

Dang 2. Tinh chit ddi xirng khdi da dién

Cau 31. (Ma 123 2017) Hinh hop chit nhét c6 ba kich thudc d6i mdt khac nhau c6 bao nhiéu mat phéng

dbi xtmg?

A. 6 mit phang B. 9 mit phang C. 3 mit phing D. 4 mit phang
Loi giai

Chon C

<
o

?

~
~
]
)
]
I
1
1
1
]
N S A
]
I
I

e T
1 ~ |
|
1 1 o
1 1 =~
J : r! : \\\\\
QST ¢=--_.._B.4\ : Tl W
P X
S~ ~_ |
i S o
e —— | ~d -
D’ 0, ¢’

Xét hinh hop chit nhat ABCD.A'B'C'D' c¢6 ba kich thudc d6i mdt khac nhau.
Khi d6 c6 3 mat phang doi xtmg la MNOP,QRST,UVWX.

Ciu 32. (Chuyén L& Hong Phong Nam Pinh 2019) Hinh tir dién déu c6 bao nhiéu truc ddi xing?
A. 0. B.1. C.3. D. 2.
Loi giai
Chon C

Goi S1a tap hop cac dinh cua khéi tir dién déu ABCD. Gia st d 1a truc dbi xtmg cua tir dién da
cho, phép ddi xtng truc d bién Sthanh chinh Snén d phai la trung truc cia it nhat mot doan
thang ndi hai dinh bét ky cua tir dién.

Vay tt dién déu c6 3 truc d6i xtng 1a cac dudng thing ndi trung diém cia cac cip canh dbi dién.
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Cau 33. (THPT Gia Loc Hai Dwong 2019) Mot hinh hop dung c6 day 1a hinh thoi (khong phai 1a hinh
vudng) ¢ bao nhiéu mit phang dbi xtmg?
A. 3 mit phang. B. 4 mit phang. C. 2 mit phang. D. 1 mit phang.
Loi gidi

B o e

Hinh hop dimg c6 day 1a hinh thoi c6 3 mat phang ddi xtng trong d6 bao gom 2 mit phang chua
timg cip duong chéo song song cia moi mat ddy va 1 mat phang cat ngang tai trung diém cia

chiéu cao hinh hop. Cu thé, theo hinh v& trén la: (BDEH ) , (ACGF ) , (IJKL).

Cau 34. (SGD Binh Dwong - 2018) Hinh hop chir nhat c6 ba kich thudc doi mdt khac nhau c¢6 bao nhiéu
mit phang d6i xtmg?
A. 6 mit phang. B. 4 mit phang. C. 3 mit phang. D. 9 mit phing.
Loi giai
Chon C

Ciu 35. (Chuyén Quéc Hoc Hué -2018) Hinh tir dién déu c6 tat ca bao nhiéu mat phang ddi xing?
A. 6. B. 3. C. 4. D. 2.
Loi giai

4008 S

Hinh t& dién c6 tat ca 6 mit phang dbi xtng.

Chon A

Céu 36. (THPT Phan Dinh Phung - Ha Tinh - 2018) Hinh nao sau day khong co truc d6i xung?
A. Hinh hop xién. B. Tam giac deu. C. Hinh tron. D. Buong thang.

Loi giai

Chon A
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O Pudng tron c¢6 v s truc ddi ximg, cac truc ndy di qua tim dudng tron.
O Pudng thing c6 1 truc ddi xing tring véi no.
O Tam giac déu co 3 truc dbi xtng, cac truc nay di qua trong tim ciia tam giac déu.
O Hinh hop xién khong cé truc dbi ximg.

Céu 37. (Chuyén KHTN- 2017) Biét rang mot hinh da dién H c6 6 mit 1 6 tam giac déu. Hay chi ra
ménh dé nao dudi day 1a diung?

A. Khong ton tai hinh H nao c6 miat phang dbi xtmg.

B. C6 ton tai mot hinh H ¢ dang 4 mat doi xung.

C. Khong ton tai hinh H nao c6 ding 5 dinh.

D. C6 ton tai mot hinh H ¢6 hai tam doi xung phan biét.

Loi giai

Chon B

Luon ton tai hinh da dién H c¢6 mat phang d6i xtng va co ding 5 dinh, H khong c6 tam dbi

xung.

Ciu 38. (Chuyén Thai Binh - 2018) Hinh chép tir gidc déu c6 bao nhiéu mat phang d6i xtimg?
A. 2. B. 6. C. 8. D. 4.
Loi giai
Chon D
D6 1a cac mit phang (SAC), (SBD), (SHJ), (SGI) véi G, H, I, J 1a céc trung diém cua cac
canh 4B, CB, CD, AD (hinh v& bén dudi).

Ciu 39. (Chuyén Qudc Hoc Hué - 2018) Hinh da dién nao dudi day khong c6 tam ddi xiang?
A. Hinh bat dién déu.  B. Hinh ti dién déu.  C. Hinh 1ap phwong  D. Hinh ling tru t& giac
déu.
Loi giai
Chon B
Ta c6 phép d6i xtmg tam I bién hinh (A ) thanh chinh né. Khi d6 hinh (H ) c6 tim doi ximg 1a
1 suy ra hinh lang tru tir giac déu, hinh bat dién déu va hinh 1ap phuong 13 cc hinh da dién c6 tam
doi xtng.

Ciu 40. (Chuyén Ha Long - QNinh - 2018) Hinh nao dudi nao dudi diy khong co truc d6i xtung?
A. Tam giac can. B. Hinh thang cén. C. Hinh elip. D. Hinh binh hanh.
Loi giai
Chon D

Ciu 41. (THPT Ping Thic Hira-Nghé An- 2018) Hinh ling tru tam gidc déu co tit ca cac canh bang
nhau c6 bao nhiéu mit phing déi xtng?
A. 4. B. 3. C. 5. D. 6.
Loi giai
Chon A
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Cé 4 mat phang doi xttng nhu hinh vé sau.

<

Ciu 42. (Vinh Phiic - 2018) Khéi bat dién déu c6 bao nhiéu miat phing d6i xtng?
A. 8. B. 4. C.9. D. 6.

Chon C

Hinh bt dién ABCDEF ¢6 9 mit phang ddi xtmg: 3 mit phing (4ABCD),(BEDF),(AECF) va

6 mit phang ma mdi mat phang 13 trung tryc cua hai canh song song.

Ciu 43. (Chuyén Tran Phu Hai Phong 2019) Cho khdi 1ap phuong ABCD.A'B'C'D’ phép ddi xtng qua
mit phing (ABC'D') bién khéi tr dién BCDD' thanh khdi tir dién nao sau day?

A. BCA'D' B. BB'A'D' C. B'BC'A D. BC'D'A’

Loi giai

Phép doi xtng qua mt phang (ABC'D')bién céc diém

B—>B

C—> 5B

D— A

D' —> D'

Nén phép dbi xtg qua mit phang (4BC 'D') bién khéi tir dién BCDD' thanh khdi tir
dién BB'A'D'

Dang 3. Phan chia, lip ghép khdi da dién

Cau 44. (Mai 110 2017) Mt phang (A4B'C') chia khéi lang tru ABC.A'B'C’ thanh c4c khéi da dién nao?
A. Hai khdi chop tur giac.
B. Hai khdi chop tam giac.
C. Mot khéi chop tam giac va mot khdi chop ngii giac.
D. Mot khdi chop tam gidc va mot khdi chop tir gidc.
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Loi giai
Chon D

B’ B’ B’

Mit phang (AB'C’) chia khi ling tru ABC.A'B'C’' thanh hai khdi chép
Chop tam giac: 4.A'B'C" va chop tir gidc: A.BB'C'C.

Ciu 45. (THPT An Lio Hai Phong 2019) Cit khéi tru 4ABC.A'B'C" béi cac mit phang (4B'C') va
(ABC") ta dugc nhimg khéi da dién nao?
A. Hai khoi t&r dién va hai khéi chop tir giac.
B. Ba khéi’tfr dién. )
C. Mot khoi tir dién va hai khoi chop tir gidc.
D. Hai khéi ttr dién va mot khéi chop tir giac
Loi giai

Ba khdi tir dién 1a A4’B’C’, ABB’C’, ABCC’ .

Chon B

Ciu 46. (THPT Poan Thuong - Hai Phong - 2018) Cho khéi t dién ABCD. Lay diém M nam giita 4
va B, diém N ndm giita C va D. Bang hai mit phang (CDM) va (ABN), ta chia khéi tir dién d6 thanh
bbn khdi tir dién nao sau day?

A. NACB, BCMN , ABND, MBND . B. MANC, BCDN, AMND , ABND.
C. MANC, BCMN , AMND , MBND . D. ABCN, ABND, AMND , MBND..
Loi giai
Chon C
A
M,
B D
N
C
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Bing hai mat phang (CDM ) va (ABN), ta chia khdi tir dién d6 thanh bon khéi tr dién:
MANC , BCMN , AMND , MBND .

Ciu 47. (THPT An Lio 2017) Cit khdi tru ABC.A'B'C’ béi cac mit phang (AB'C') va (ABC') ta duge
nhimg khoi da di¢n nao? , ,
A. Mot khoi tir dién va hai khoi chop tir gidac.  B. Ba khoi tir dién. )
C. Hai khéi ttr dién va hai khéi chop tr gidc. ~ D. Hai khéi ttr dién va mot khéi chép tir gidc.
Loi giai

Chon B

Ta c6 ba khdi tir dién 1a 4.4'B'C"; B.ABC";C".ABC.

Cau 48. (THPT Ngé Quyén- 2017) Cit khéi ling tru MNP.MN'P' béi cic mit phang (MN'P') va
(MNP')ta duge nhig khéi da dién nao?

A. Ba khbi tir dién. B. Hai khi tir dién va mot khéi chop tir gidc.
C. Hai khoi tr dién va hai khoi chop tir giac. D. Mét khoi tir dién va mét khoi chop tir giac.
Loi giai

Chon A

Cat khéi lang tru MNP.M'N'P' béi cac mit phang (MN'P')va (MNP')ta dugc ba khoi tir dién 1a
P.MNP'; PMNN'; M'.MN'P"..

Ciu 49. (THPT Yén Pinh - Thanh Hoéa 2018) C6 thé chia mot khdi lap phuong thanh bao nhiéu khdi tir
dién co thé tich bang nhau ma cac dinh cia tir dién ciing 1a dinh cta hinh lap phuong?

A 2. B. 8. C. 4. D. 6.

Loi giai

Chon D

+ Ta chia khéi 1ap phuong thanh hai khéi lang tru dimg;

+ Ung v6i mdi khdi lang tru ding ta c6 thé chia thanh ba khéi tr dién déu ma cac dinh cua tir dién

cling 1a dinh cua hinh 1ap phuong.

Viy c6 tat ca 1a 6 khdi tir dién co thé tich bang nhau.
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Ciu 50. (THPT Lwong Thé Vinh Ha Noi 2019) Cho da giac déu c6 2018 dinh. Hoi c6 bao nhiéu hinh
chit nhét c6 4 dinh 1a cac dinh cta da giac da cho ?
A. Cyq- B. Cyy - C. Cys.- D. Ci,.
Loi giai
S6 duong chéo di qua tim cua da giac déu 2018 dinh 1a : 1009.
Cu hai duong chéo di qua tdm tao thanh mét hinh chir nhat. Vay sb hinh chit nhat c6 4 dinh la cac
dinh cua da gidc dicho la: Co.
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Chuyén d& 10 THE TICH KHOI CHOP

DANG CAU HOI DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM

PHUONG PHAP CHUNG ' ,
THE TiCH KHOI CHOP — KHOI LANG TRU
1. Thé tich khdi chép Vo = %-Sdéy. chiu cao| = %-Sdéy. d(dinh; mat phiang déy)

2. Thé tich khéi ling tru |V, chiéu cao

lang tru = S

. Thé tich khéi 1ap phuong . Thé tich khéi hop chit nhat
' o

day*

3. Ti s0 thé tich 7 ‘
« Cho khoi chép S.ABC, trén cac doan thang SA, SB, SC lan
luot

lay cac diém A’, B/, ¢’ khac S. Khi d6 ta ludn co ti s6 thé tich:
Vi wpe _ SA” SB' SC"

% ~ SA SB SC

S.ABC
. Ngoai nhiing cach tinh thé tich trén, ta con phuong phép chia nho
khéi da dién thanh nhimng da dién nho ma dé dang tinh toan. Sau d6
cong lai.
. Ta thuong dung ti s thé tich khi diém chia doan theo ti 18.
4. Tinh chat ciia hinh chép déu
. Pdy la da gidc déu (hinh chop tam giac déu cé day 1a tam giac déu, hinh chop tir gidc déu co day l1a
hinh vudng).
. Chén dwong cao tring véi tim dwong tron ngoai tiép da gidc ddy
. Cdc mdt bén la nhivng tam gidc cén va biang nhau.
. Géc giita cdc canh bén va mdt ddy déu bing nhau.
. Géc giita cdc mit bén va mat ddy déu bang nhau.

5. Ttk dién déu va bat dién déu:

. Tt dién déu 13 hinh chép co tit ca cac mat 1a nhirg tam giac déu bang nhau.

. Bat dién déu 13 hinh gdm hai hinh chép tir gidc déu ghép trung khit hai day v6i nhau. Mdi dinh cta no
1a dinh chung cta bon tam giac déu. Tam mit 13 cac tam gidc déu va bang nhau.

Néu ndi trung diém cua hinh tr dién déu hodc tAm cic mit cua hinh 1ap phuong ta s€ thu dwgc mdt hinh
bat dién deu.
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‘aw" RS
Hinh liing tru ding va hinh ling tru déu:
. Hinh ling tru ding 13 hinh ling tru c6 cac canh bén vudng goc véi miat phang day. Do d6 cac mat bén
ctia hinh ldng tru dimg 1a cac hinh chit nhat va nam trong mit phiang vudng goc voi mit phang day.
. Hinh ling tru déu 13 hinh ling tru dimg c6 day 1a da giac déu.

V

XAC PINH CHIEU CAO THUONG GAP

a) Hinh chép c6 mét canh bén
vudng goc voi day: Chi€u cao
cua hinh chdp 1a d6 dai canh bén

Vi du: Hinh chop S.ABC €6 canh bén
SA vudng goc v6i mat phang day, tirc
SA 1 (ABC) thi chiéu cao ctia hinh

S

vudng goc voi day. chop 1a SA.

b) Hinh chép c¢6 1 mat bén
vudng goc voi mit day: Chiéu
cao cua hinh chop 1a chiéu cao
cua tam giac chua trong mat bén
vuong goc voi day.

Vi du: Hinh chop S.ABCD c6 mat
bén (SAB) vudng goéc voi mat
phang day (ABCD) thi chiéu cao
cta hinh chép 14 SH 1a chiéu cao
cua ASAB.

c¢) Hinh choép cé 2 mat bén
vudng géc voi mit day: Chicu
cao ctia hinh chép 1a giao tuyén
cua hai mat bén cung vudng goc
v6i mat phang day.

Vi du: Hinh chép S.ABCD c6 hai s
mat bén (SAB) va (SAD) cung

vuong goc véi mat day (ABCD)

thi chiéu cao ciia hinh chop 1a SA.

Vi_du: Hinh chép déu
S.ABCD cé tam da giac day
1a giao diém cia hai duong
chéo hinh vuong ABCD thi
c6 duong cao la SO.

d) Hinh chép déu:

Chiéu cao cta hinh chép 1 doan
thang nbi dinh va tim cua day.
P6i v6i hinh chép déu day la
tam giac thi tdm la trong tdm G
clia tam giac déu.

DIEN TiICH CUA MQT SO HINH THUONG GAP

[l Dién tich tam giac thwong: Cho tam giac ABC va dit AB=c¢, BC=a, CA=0b va

a+b+c 5 X 3
= Y : nira chu vi. Goi R, r lan luot 1a ban kinh dudng tron ngoai ti€p va ndi ti€p cta tam giac
ABC. Khi dé:
= 1a.h = lb.hb = lc.h
2 " 2 2
= 1absinC’ = 1bcsinA = lacsinB
Sope =1 2 2 2
_abe_
4R
= \p(p —a)(p — b)(p — ), (Heron)
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am gidc vuong — 5 *(tich hai canh g6c vuong).
_(canh huyén)®
* Stam gidcvuong can 4 ’
(canh)z.\/g s R canh.\/g
* Sumggcan ————— = Chiu cao tam gidc déu = S
") Shinh chitnhat = dai X 1ONg va Shinh vuong = (canh)?.
(day 16n + ddy bé)- (chiéu cao)
D Shinh thang = 2 :
0 __ Tich hai dudng chéo =3 _ Tich 2 duong chéo

TG gidc c6 2 dudng chéo vuong géc ~ 2 hinh thoi — 2

HE THUC LUQNG TRONG TAM GIAC

1. Hé thirc lwong trong tam giac vuong )

Cho AABC vuong tai A, ¢c6 AH la duong cao, AM Ila trung tuyén. Khi do:

x BC* = AB* + AC” (Pitago), AH.BC = AB.AC.

x AB> = BH-BC va AC* =CH -CB. A

L v A~ mBoHC
AH*> AB* AC?

x* BO =2AM.

« S :%-AB-ACZ%-AH-BC.

AABC

-
2. Hé thirc lwong trong tam giac thuwong B H M C
Cho AABC va dat

AB=c¢, BC—a, CA—b, p— %b” (nita chu vi). Goi R, r 14n lugt 13 bén kinh duong tron

ngoai tiép va noi tiép tam giac ABC. Khi do:
b C A

+* Pinh ly ham sin: — =— = — =2R.
sinA sinB sinC

~ ~ 2 2 2
o a’ :bQ+62—2bCCOSA:>COSA:b+2% c b
c
~ o~ 2 2_ 2
*})inhlyhz‘lmcos:«-b2:a2+c2—2accosB:>cosB:a+26—b.B a c
- - a2+l;120—02 M
e’ =a* +b* —2abcosC = cosC = —————
2ab
A _AB2+AC’2 _302
2 2 2 42
* Cong thirc trung tuyén: {» BN’ = b4 —;BC - Af .
CA* +CB* AB’
e OK? = _ 4
2 : /\
* Pinh ly Thales: 2
Sy [AM] )
. — —k B c
SAABC AB
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Cau 1.

Cau 10.

Cau 11.

1. Canh bén vudng goc voi day
(Pé Tham Khio 2020 Lan 2) Cho khdi chop co dién tich day B =3 va chiéu cao h=4. Thé
tich cua khoi chop da cho bang

A. 6. B. 12. C. 36. D. 4.

(M4 101 - 2020 Lan 1) Cho khéi chop c6 dién tich day B =6 va chiéu cao % =2 . Thé tich cua
khéi chop da cho bang:

A 6. B. 3. C. 4. D. 12.

(M3 102 - 2020 Lan 1) Cho khéi chép c6 dién tich ddy B =3 va chiéu cao 4 =2 . Thé tich khdi
chop di cho bang

A. 6. B. 12. C.2. D. 3.

(Mai 102 - 2020 Lan 2) Cho khdi chép c6 dién tich day B =6a” va chiéu cao & =2a. Thé tich
khéi chép da cho bang:

A. 2a°. B. 4a°. C. 6a’. D. 124°.

(Pé Minh Hoa 2017) Cho hinh chép tir giac S.ABCD c6 day ABCD 1a hinh vudng canh a, canh
bén SA vudng goc véi mit phing day va SA=a~/2. Tinh thé tich V' cta khéi chép S.ABCD

\/5613 \/5613 C.V =\/§a3 \/5613

B. V = D. V =
6 4 3

(M3 105 2017) Cho khdi chép S.ABC c6 SA vudng goc voi day, SA=4, AB=6, BC=10 va

CA =8. Tinh thé tich V cua khéi chop S.ABC.

A. V=32 B. V=192 C. V=40 D. V=24

(THPT Nguyén Khuyén 2019) Cho hinh chép ti gidc S.4BCD c6 ddy ABCD la hinh vudng
canh a, canh bén SA vudng géc véi mit phang day va SA =+/2a. Tinh thé tich khéi chop
S.ABCD .

\/Ea3 \/Ea3 c \/Ea3 \/5&23

B. D.
6 4 3

(THPT Poan Thuong - Hai Dwong 2019) Cho hinh chép S.4ABC c6 day la tam gidc déu canh

3
a, canh bén SA vudng goc voi day va thé tich cua khdi chop dé bang a? . Tinh canh bén S4.

A V=

A.

av3 B. “*/3. C. a\3. D. 2a/3.
2 3
(THPT Minh Chau Hung Yén 2019) Cho hinh chép S.4BC c6 ddy ABC la tam giac déu canh
a.Biét SA L (ABC) va S4= a3 . Tinh thé tich khéi chop S.4BC.

a a a 3a’
A = B. — C. = D. —

4 2 4 4
(THPT Viét Pirc Ha N§i 2019) Cho hinh chép S.4BC c6 day la tam giac déu canh a . Canh bén
SC vudng géc voi mit phing (ABC), SC = a. Thé tich khéi chop S.4BC bang

3 3 3 3

a'V3 B. 2 2 c. 4 3 D. & V3

3 12 9 12

(THPT An Lio Hai Phong 2019) Cho tit dién 4BCD c¢6 AD vudng gbc véi mit phang (ABC)
biét ddy ABC 1a tam giac vudng tai B va AD =10, AB=10, BC=24 . Tinh thé tich cua t& dién
ABCD .

A.

A.

A. 7 =1200 B. V=960 C. ¥ =400 D. V:@
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

TAI LIEU ON THI THPTQG 2021
(THPT Hung Vwong Binh Phuéc 2019) Cho hinh chop S.4BC c6 canh bén S4 vudng goc voi
mit phiang day (ABC ) Biét S4=a, tam gidc ABC la tam gidc vudng can tai 4, AB=2a. Tinh
theo a thé tich ¥/ ctia khdi chop S.4BC.
3 3 3
Av=2L, B.v==L. c.y=2%
6 2 3
(Chuyén KHTN 2019) Cho khdi chop S.ABC c6 day ABC la tam giac vudng tai B,
AB=a,AC =2a,54 1 (ABC) va SA=a. Thé tich cua khéi chop da cho bing
3 3 3 3
A D3 g a3 c L. p. 2%,
3 6 3 3

(S¢ Can Tho 2019) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, 4B =3a va
AD=4a . Canh bén S4 vudng goc voi mit phing (ABCD) va SA=a+2. Thé tich cua khéi
chop S.ABCD bang

D. V=2a.

3 3
A. W24°. B. 12424°. C. 4?“ . D. 2@“ .
(Sé& Can Tho 2019) Thé tich ctia khdi chop c6 dién tich day bang g va chiéu cao bang # 1a
A.ﬁ. B. L. c.ﬁ. D. 1.
6 3 3

(Sé& Nam Dinh 2019) Cho khéi chop S.ABCcod ddy ABC la tam giac vudng can tai B, do dai
canh 4B = BC =a, canh bén SA vudng goc vdi day va S4 =2a . Tinh the tich V" cua khoi chop
S.ABC.

3 3 3
a a a

AV ="—. B.V=—. C.V=d. D. V==,
3 2 6

(Bac Liéu — Ninh Binh 2019) Cho hinh chop S.4BC, c6 day ABC la tam giac vudng can tai

A, SA= AB=a, SA vudng goc véi mat phang (ABC ) Thé tich cta khdi chop S.ABC bang

3 3 3 3
AL B. L. c. = p. 2%

3 6 2 2
(Nguyén Khuyén HCM-2019) Cho tir dién OABC c6 04, OB, OC d6i mot vudng goc va
0OA4=0B =0C = a. Khi d6 thé tich cta tit dién OABC 1a

3 3 3
a a a

3

L B. L. c. L p. L.
12 6 3 2

(THPT Minh Khai - 2019) Cho hinh chép S.ABC c6 dién tich day la azx/g , canh bén S4

vudng goc voi day, SA = a. Tinh thé tich khdi chop S.4BC theo a.

3 3 3
A. 3. B.”f. c.”f. D.“f.

(Thpt Vinh Loc - Thanh Hoéa 2019) Cho hinh choép S.ABCD c6 day la hinh vuong ABCD canh
a, canh bén S4 vudng goc voi mat
phang day va S4 = a~/2 . Thé tich cta khdi chop S.ABCD bang

3 3 3
A. V=24, B.V=€“ . C.Vz‘/ia . D.V=\/§3a .

(Hoi 8 truwomg chuyén PBSH - 2019) Cho hinh choép tor giac S.ABCD c6 ddy ABCD la hinh
vuong canh bang a, SA4 L (ABC), SA =3a. Thé tich ¥ cua khdi chop S.4BCD la:
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 1.

AV =a. B. V =3d". C.V=§a3. D. V=24,

(THPT Ham Réng 2019) Cho hinh chép S.ABCD c6 ddy ABCD1a hinh vudng canh . Biét
SA L (ABCD) va SA=a+/3 . Thé tich ciia khéi chop S.4BCD la:

PUE] B. a'\3 c. a3 D. &
12 ' 3 4
(THPT Cong Hién - 2019) Khang dinh nio sau day la sai?

A. Thé tich ctia khéi chop co dién tich day B va chiéu cao & 1a ¥ = %Bh .

B. Thé tich ctia khdi lang tru c6 dién tich day B va chiéu cao 4 1a V = Bh .

C. Thé tich caa mot khdi hop chit nhat bﬁng tich ba kinh thudc cua no.

D. Thé tich ciia khéi chop co dién tich day B va chiéu cao 4 1a V =3Bh.

(Ly Nhén Téng - Bac Ninh 2019) Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B.
Canh bén SA4 vudng goc v6i mit phang day. Biét SA= AB=2a, BC =3a. Tinh thé tich cia
S.ABC 1a

A. 3a’. B. 44°. C. 24°. D. &’.

(Kinh Mén - Hai Dwong 2019) Cho hinh chép S.ABCD c6 day ABCD hinh chit nhat véi
AB=4a, BC=a,canh bén SD=2a va SD vudng gdoc vdi mat phang day. Thé tich khoi chop
S.ABCD bang

A. 6a°. B. 34°. C. §a3. D. =4°.

(Sé Pién Bién - 2019) Tinh thé tich ciia khdi chop S.4BC co S4 1a dudng cao, day la tam giac
BAC vubéngcantai A; SA=AB=a
a a 24° a’

AV =—. B.V=—. C.V=—. D.V=—.
3 6 3 9

(THPT Luwong Thé Vinh Ha 2019) Cho hinh chép S.ABC c6 ddy ABC 1a tam gidc vudng cin
tai B va AB=2a.Tam giac SAB d€u va nam trong mat phang vudng goc voi day. Tinh the tich

V cta khdi chop S.4BC
3 3 3 3
a3 B.V:“ﬁ C.Vzaﬁ 1).1/:2‘“/g
4 3 12 3

AV =

(Chuyén Bic Ninh 2019) Cho khdi chép S.ABCD ¢6 day 1a hinh vudng canh a~/2, tam giac
SAC vudng tai § va qém trong miat phang vudng goc vai day, canh bén SA tao véi day goc 60° .
Tinh thé tich ¥ cta khoi chép S.ABCD .

a3 LAY c.y-aN6 D,y -2

12 3 12 12

(SGD Nam Pinh 2019) Cho hinh chép S.ABCD c6 day 1a hinh vuong canh bang 2a. Mit bén
(S4B) 1a tam gidc déu va nim trong mat phang vudng goc véi mit phang (ABCD). Theé tich cua

khéi chép S.ABCD 1a

AV =

3 3 3
A. 4a°3. B. “f. C. “f. D. 4“3ﬁ.

Cho khdi chép S.ABCD c6 day ABCD 1a hinh vudng canh a, tam gidc SAB can tai S va nam
trong mat phang vudng goc voi day, SA =2a. Tinh theo a thé tich khoi chop S.ABCD .

3 3 3
A V=24 B.V:“f. C.V:“‘éﬁ D.V:z%.
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Cau 5.

Cau 6.

Cau7.

Cau 8.

Cau 10.

Cau 1.

Cau 2.

TAI LIEU ON THI THPTQG 2021
Cho hinh chop S.4BCc6 day ABC la tam giac vuong tai C, tam giac SAB déu nam trong mat
phang vudng goc vé6i ddy. Tinh theo a thé tich ctia khdi chop. Biét rang 4B = aJ3;AC = a.
3 3 3 3
AL B V2 c. 3 p. Y2
2 4 2 2
Cho hinh chop tir giac S.ABCD c¢6 day ABCD 1a hinh vudng canh a, mat bén SAB 1a mot tam

gidc déu va nam trong mat phang vuong goc voi day (ABCD). Tinh thé tich khéi chép S.ABCD
3 3 3 3
3 3
AL g, Y3 . a3 p. L.
6 6 2 2

(Chuyén PH Vinh 2019) Cho hinh chop S.ABCD c¢6 ddy ABCD 1a hinh vudng canh a,

a2
2 9 r

theo a the tich V' cua khoi chop S.ABCD .

3 3 3 3
J6a . B.V:*/E“ . C.V:*/ga . D.V:*E“ .
12 3 4 6

S4 = , tam gidc SAC vudng tai S va ndm trong mit phang vudng géc véi (4ABCD). Tinh

AV =

Cho hinh chép S.ABC ¢6 déy 1a tam gidc can tai A4, AB= AC =a, BAC =120°. Tam gidc SAB
1a tam giac déu va ndm trong mit phang vudng goc v4i mat day. Tinh thé tich ¥ cta khdi chop
S.ABC.

3 3
A.Vz%. B. V=24 C.V=d. D.Vz%.

Cho hinh chép S.4BCD c6 day 1a hinh vudng canh bang 2a. Tam gidc S4B can tai S va nam
3

trong mat phang vudng goc voi day. Biét thé tich khdi chép S.4BCD bang 4%. Goi o 1a goc

gitta SC va mat day, tinh tanc .

25 7 5
5

A. tanaz?. B. tana = C. tanazT. D. tanaz?.

(Sé Bic Giang 2019) Cho hinh chép S.4BC c6 day ABC la tam giac vudng tai 4. Hinh chiéu
cua S lén mat phéng (ABC) la trung diém H cua BC, AB=a, AC = a3 , SB= a2 . Thé
tich cua khoi chop S.ABC bing
A. a3‘6. B. a3\£. C. a3‘6. D. a3\%.

2 2 6 6

Dang 3. Thé tich khdi chép déu

(Chuyén Hung Vwong Gia Lai 2019) Thé tich ciia khéi chop tir giac déu c6 tat ca cac canh bang
ala

3 3 3
A2 B 92 C.d. p, Y2

6 3 2
(Mai 104 2017) Cho khéi chop tam giac déu S.ABC c6 canh ddy bang a va canh bén bang 2a.
Tinh thé tich V' cta khdi chop S.ABC.

3 3 3 3
A.V:\/Ea B.V:\/Ea C.V:\/Ea D.V:*/i“
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Cau 3.

Cau 4.

Cau 5.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

(Chuyén Vinh Phiic 2019) Cho mét hinh chép tam giac déu ¢ canh day bang a , gbc giira canh
bén va mit phiang day bang 45°. Thé tich khdi chop d6 1a

3 3 3 3
a3 B. L. c. < p, &3
12 12 36 36

(D& Tham Khio 2019) Cho khéi chop tir gide déu co tit ca cac canh bang 2a . Thé tich ctia khdi
chop da cho bang

224’ 8a’ 824 NG
3 3 3

A.

A. B. — C. D.

3
(M4 123 2017) Cho khdi chép tir giac déu c6 canh day bang 4, canh bén gap hai lan canh day.
Tinh thé tich V cta khéi chop da cho.
B J2a° J14a°

3 3
\/Ea \/ﬂa D. V=

B. V= C.V
2 2 6 6

(Lién Trwong Thpt Tp Vinh Nghé An 2019) Cho khdi chép tir giac déu c6 canh day bang 2a
canh bén bang ax/g . Thé tich ctia khdi chop da cho bang

3 3
A. 4547 B. 434°. C. 4*/35“ . D. 4*/35“ .

AV =

(THPT Lwong Tai S6 2 2019) Cho hinh chép tir gidc déu S.ABCD c6 canh déy bang a~/6 , goc
giita canh bén va mat ddy bang 60°. Tinh thé tich ¥ ctia khdi chop S.ABC?
A. V=94 B.V =2d’ C.V=3d D. V =6a’
(THPT Gia Lac Hai Dwong 2019) Cho hinh chop tam giac déu S.ABC c¢6 do dai canh day bang
a, gbc hop boi canh bén va mit day bang 60 . Thé tich cua khdi chép di cho bang
NERE B O3 c. V3 p, Y3

12 3 6 4

(Chuyén Nguyén Du PikLik) Cho hinh chép déu S.ABCD c6 chiéu cao bang a2 va do dai
canh bén bang a6 . Thé tich khdi chop S.ABCD bang:
104’3 104’2 8a°\3 8a’\2

A. . B. . C. . D. .
3 3 3 3

(Thi thir Loméndxop - Ha Ngi 2019) Xét khdi chop tam gidc déu canh day bang a, canh bén
bang 2 lan chiéu cao tam gidc ddy. Tinh the tich khoi chop.

3 3 3 3
6 2
A OB g, 26 . a2 p, £V2.
2 18 6 4
(SP Pong Nai - 2019) Thé tich khdi tir dién déu co6 canh bang 3.

A.#. B. 22. C.%. D. 2.

Cho khdi chop tir giac déu c6 canh day bang @, canh bén gap hai 1an canh day. Tinh thé tich
V' cua khoi chop da cho.

Jida i JBd JBa

. B.V . C.V= . D. V= .
6 2 2 6

(Nguyén Hué- Ninh Binh- 2019)Cho hinh chép déu S.ABCD c6 day ABCD 1a hinh vudng canh
a.Canh bén SA tao véi day goc 60°. Tinh thé tich khdi SBCD.

3 3 3 3
A OYE B, <Y c. a3 p, C¥3.

6 i 12 6 12 i
Cho khoi chop déu S.ABCD c6 canh day 1a a, cac médt bén tao voi ddy mot goc 60°. Tinh thé
tich khoi chop do.

A V=
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3 3 3 3
NS A c. V3 p. O3
2 12 6 3
Cau 15. Cho khdi chop tir giac déu S.ABCD co canh day bang a . Biét ASC = 90°, tinh thé tich V cia
khoi chop dé.
Av=2L B.V:C“/g. c.vz‘“/g. D.V:‘“/E.
3 3 6 12

Ciu 16. Cho hinh chop tir gidc déu S.ABCD c6 canh day bang a, goc giira canh bén va mit day bang 60°.
The tich khoi chop S.ABCD la
3 3 3 3
NGy g O3 c. e p, L6
6 6 12 2
Cau 17. (Trwong THPT Thing Long 2019) Hinh chop tam giac déu S.ABC co canh day 13 a va mat
bén tao v&i day goc 45°. Tinh theo a thé tich khdi chop S.ABC.

a’ a’ a’ a’

A, —. C—. . —. D. —.
8 24 12 4
Ciu 18. (THPT Quynh Lwu- Nghé An- 2019) Cho khi chop c6 day hinh thoi canh a (a > 0) cac canh

bén bang nhau va cing tao vdi day goc 45°. Thé tich cta khdi chop di cho bang

1, ; 3a’ 1,
A ——a’. B. 24, Cc.=. D. ——a’.
32 2 2
Ciu19. (Chuyén Quang Trung- Binh Phuéc 2019) Tinh thé tich khoi tir dién déu co tat cé cdc canh
bang a
A a’. B. £a3. C. ia3. D. 64°.
12 12

Ciu 20. (Hiu Lc 2-Thanh Héa -2019) Cho hinh chdp tir gic déu c6 canh day bang a, goc giita canh
bén va mat day bang 60°. The tich khoi chop la
3 3 3 3
a\@ B.a\@ C.a\/g. D.“\@
6 2 6 3
Céu 21. Cho hinh chop tam giac déu S.ABC c6 canh ddy bang 2a, canh bén tao véi day mot goc 60°.
Thé tich khoi chop S.4BC la
3 3 3
A 2003 B O3 . a3 D. &3
3 3 4
Ciu 22. (SGD Pién Bién - 2019) Cho hinh chop tir giac déu S.ABCD c6 canh day bang 2a, canh bén
bang 3a . Tinh thé tich V' cua khoi chop da cho.

A.

3 3 3
AV =474, B.V=4‘/Z“ . C.V=4%. D.V=4‘/Z“ .
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Céu 23.  (Nguyén Hug- Ninh Binh- 2019)Kim ty thap Ké - 6p ¢ Ai Cap dugc xay dung vao khoang 2500
nam trudc Cong nguyén. Kim tu thap nay la mot khoi chop tir gidc deéu co chicu cao 1a 147m,
canh day 1a 230 m. Thé tich ctia né 1a
A. 2592100 m’. B. 2952100 m’. C. 2529100 m’. D. 2591200 m’.
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Chuyén d& 10 THE TICH KHOI CHOP

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

1. PHUONG PHAP CHUNG ,
THE TiCH KHOI CHOP —- KHOI LANG TRU
2 I'4 1 S 1 ? 2 Z
1. Thé tich khoi chép |V, = E-Sdéy. chiéu cao| = E-Sdéy. d(dlnh; mat phang day)
2. Thé tich khéi ling tru |V, ., = S.,- chiéu cao

. Thé tich khdi 1ap phuong [V = a*| « Thé tich khéi hop chi¥ nhat

T

3. Ti s thé tich 7 ‘
« Cho khoi chép S.ABC, trén cac doan thang SA, SB, SC lan
luot lay cac diém A/, B’, ¢’ khac S. Khi d6 ta ludn c6 ti sb thé
tich: Vs ipor _ SA’ ' SB’ . SC'.

SA SB SC

S.ABC
. Ngoai nhiing cach tinh thé tich trén, ta con phuong phép chia nho
khéi da dién thanh nhimng da dién nho ma dé dang tinh toan. Sau d6
cong lai.
. Ta thudng dung ti s6 thé tich khi diém chia doan theo ti 1¢.
4. Tinh chit ciia hinh chép déu
. Ddy la da gidc déu (hinh chop tam giac déu c6 day 1a tam giac
hinh chép tir gidc déu c6 day 1a hinh vudng).
. Chén dwong cao triing véi tim dwong tron ngoai tiép da gidc ddy
. Cdc mdt bén la nhitng tam gidc cén va biang nhau.
. Géc giita cdc canh bén va mdt ddy déu bing nhau.
. Géc giita cdc mit bén va mat ddy déu bang nhau.

5. Ttk dién déu va bat dién déu:

. Tt dién déu 13 hinh chép co tit ca cac mat 1a nhirng tam giac déu bang nhau.

dinh chung cua bon tam giac déu. Tam mat 1a cac tam giac déu va bang nhau.

dién déu.

. Bat dién déu 1a hinh gdm hai hinh chop ti gidc déu ghép tring khit hai day voi nhau. Mdi dinh ciia n6 1a

Néu nbi trung diém cua hinh t&r dién déu hodc tAm cic mit cia hinh 1ap phuong ta s€ thu dugc mot hinh bat

déu,
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km,' RS
Hinh liing tru ding va hinh ling tru déu:

. Hinh ling tru diéng 1a hinh ling tru ¢6 cac canh bén vudng goc voi mat phang day. Do d6 cac mat bén
ctia hinh lang tru démg 1a cac hinh chit nhat va nam trong mit phiang vudng goc voi mit phang day.

. Hinh ling tru déu 13 hinh ling tru dimg c6 day 1a da giac déu.

V

XAC PINH CHIEU CAO THUONG GAP

a) Hinh cho6p c6 mot canh
bén vudng géc véi day:
Chiéu cao cua hinh chop 1a
d6 dai canh bén vuong goc
voi day.

Vi du: Hinh chop S.ABC' c6 canh bén
SA vuong goc véi mat phang day, tirc
SA 1 (ABC) thi chiéu cao ciia hinh
chop la SA.

S

b) Hinh chép c6 1 mat
bén vudng goc véi mat
day: Chiéu cao cta hinh
chop 1a chiéu cao cua tam
giac chua trong mat bén
vuong goc voi day.

Vi du: Hinh chop S.ABCD c6 mat
bén (SAB) vudng goéc voi mat
phang day (ABCD) thi chiéu cao
cta hinh chép 14 SH 1a chiéu cao
cua ASAB.

¢) Hinh chép c6 2 mat bén
vudng goc voi mat day:
Chiéu cao cta hinh chép la
giao tuyén ctia hai mit bén
cung vudng goéc voi mat
phing day.

Vi du: Hinh chop S.ABCD c6 hai
mat bén (SAB) va (SAD) cung
vudng goc voi mat day (ABCD)
thi chiéu cao cua hinh chép 1a SA.

d) Hinh chép déu:

Chiéu cao cua hinh chop 1a
doan thang ndi dinh va tam
ctia day. D6i v6i hinh chop

Vi_du: Hinh chép déu
S.ABCD c6 tam da giac day
la giao diém cua hai duong
chéo hinh vuong ABCD thi

déu day 1 tam giac thi tim | c6 duong cao 1a SO.
la trong tdm G cua tam giac

deéeu.

DIEN TiCH CUA MOQT SO HINH THUONG GAP

[l Dién tich tam giac thwong: Cho tam giac ABC va dat AB=c¢, BC =a, CA=0b va

a+b+c o . o o ,
=———"nuachuvi. Goi R, r lan lugt lIa ban kinh dudong tron ngoai ti€p va ndi ti€p cua tam giac

ABC. Khi d6:

Lon =Lon =Len
2 7 2 2

= 1absinC’ = lbcsinA = lacsinB
* Saape = 2b 2 2
abc
=R
= \/P(P—a)(p—b)(p—C), (Héron)

p.r
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TAI LIEU ON THI THPTQG 2021

am gidc vuong — 5 *(tich hai canh g6c vuong).
_(canh huyén)®
* Stam gidc vuong can 4 :
(canh)z.\/g s R canh.\/g
* Sumggcan ————— = Chiu cao tam gidc déu = -
") Shinh chitnhat = dai X 1ONg va Shinh vuong = (canh)?.
(day 16n + ddy bé)- (chiéu cao)
D Shinh thang = 2 :
0 __ Tich hai dudng chéo =3 _ Tich 2 duong chéo

TG gidc c6 2 dudng chéo vuong géc ~ 2 hinh thoi 2

HE THUC LUQNG TRONG TAM GIAC

1. Hé thirc lwong trong tam giac vuong
Cho AABC vuong tai A, ¢c6 AH la duong cao, AM Ila trung tuyén. Khi do:

x BC® = AB> + AC” (Pitago), AH.BC = AB.AC.
« AB* = BH-BC va AC> = CH - CB.

A
1 1 1
* = + va AH® = HB-HC.
AH® AB*  AC?
x BC =2AM.
1 1
# Syupe =5 AB-AC = AH-BC.
2. Hé thirc lwong trong tam gidc thuong L
Cho AABC va B g M ¢
AB=c¢, BC—a, CA—b, p— %b” (nita chu  vi).
Goi R, r lan luot 1 ban kinh duong tron ngoai tiép va noi tiép tam giac ABC. Khi do:
+ Pinh Iy ham sin: —%— =" ___ ¢ _op
sinA sinB sinC A
o~ ~ 2 2 2
ea’=b"+c —2bccosA = cosA = Lk s
, 2()20 , C b
* Dinh Iy ham cos: 1« 0> = o’ + ¢ —2accosB = cos B = a+20—_b-
ac a
~ ~ 2 2_ 2 B C
-02:a2+b2—2abcosC:>cosC:M M
2ab
2 2 2
AN — AB"+AC”  BC
2 2 2 42
s« Cong thirc trung tuyén: {+ BN? = BA ;BO - Af :
oo CA+CB AP
2 4 y
. MN | BO =AM _ AN _MN _ /\
AB AC BC M N

+ Pinh ly Thales: 2 .
. SAAMN — [AM] — /{32 /
SAABC AB B Pa

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 3




NGUYEN BAO VUONG - 0946798489

Cau 1.

Cau 3.

Cau 5.

Cau 6.

1. Canh bén vuéng goc véi day

(M3 105 2017) Cho khéi chép S.ABCD c6 day 1a hinh vudng canh a, SA vudng goc véi day va
khoang cach tir A dén mit phang (SBC ) bang %. Tinh thé tich ciia khéi chop di cho.

3 3
4 B. o’ C. V3a
3 9

3
A. p. L
2

(M3 110 2017) Cho khéi chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, AB=a, AD=a\3 ,
SA vudng goc v6i mit phang day va mit phang (SBC ) tao v&i day mot goc 60° . Tinh thé tich V'
ctia khdi chép S.ABCD .

3 3
A. V=3a B.VZ\/ia C.V=d D,V:%

(Mai 123 2017) Cho hinh chép S.ABCD c6 day la hinh vudng canh 4, SA vudng goéc voi day,
SC tao v6i mit phing (SAB) mot goe 30 . Tinh thé tich khéi chép S.ABCD

3 3 3
2a \/Ea \/ga D. \/§a3

A, — B. C.
3 3 3

(Chuyén Vinh Phuc 2019) Cho hinh chép S.ABC cé day la tam giac vudng can tai C, canh bén
3

SA vuéng goc voi mit day, biét AB = 4a, SB = 6a. Thé tich khéi chop S.ABC 1a V. Ty s6 ;’—V la

A g Y5 c. 5 p. 35
80 40 20 80
(Chuyén Bic Giang 2019) Cho hinh chép tam giac S.4BC c¢6 day ABC la tam giac vudng tai
B, AB=a, ACB = 60° , canh bén S4 vuong goc véi mat day va SB hop voi mat day mdt goc
45°. Tinh thé tich ¥ cua khoi chop S.ABC.
3 3 3 3
V3 By =93 c.v=2 by =93
18 12 243 9
(Lwong Thé Vinh Ha N$i Niam 2019) Cho hinh chép S.ABCD co day ABCD 1a hinh chir nhat
AB=a va AD =2a, canh bén S4 vudng goc véi day. Tinh the tich V' cta khoi chop S.ABCD
biét goc giita hai mét phang (SBD) va (ABCD) bang 60°.
3 3 3 3
@15 B.V:a\/E C.V:4a\/E D.V:a\/E
15 6 15 3
(Hoang Hoa Tham 2019) Cho hinh chép S.ABCD ¢6 AB=53,BC =33, goc

BAD = BCD =90°, SA=9 va SA vudng goc voi day. Biét thé tich khdi chép S.ABCD bang
66+/3 , tinh cotang ctia goc giita mat phing (SBD) va mat day.

AV =

AV =

A

C
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

TAI LIEU ON THI THPTQG 2021

A 20273 g oL c. 2213 p. o1
819 9 20 9

(THPT Yén Khanh - Ninh Binh - 2019) Cho hinh chép S.4BC c6 ddy ABC la tam giac déu,
S4 1 (ABC). Mit phing (SBC) cach 4 mot khoang bang a va hop véi mit phang (ABC) goc
30°. Thé tich ctia khdi chop S.4BC bang
3 3 3 3
A B. % c. B p. .
9 3 12 9

Cho khéi chép S.ABCD c6 ddy ABCD la hinh vudng canh a. Hai mit phiang (SAB) va (SAD)
cling vudng goc véi day. Tinh thé tich khéi chop S.ABCD biét rang SC = a3 .

a’ a3 a3
A Vs 4pep = a. B. Vs ypep =— - C. Vs upep =—%—- D. Vs ypecp =——-

3 3 9
Cho hinh chop S.4BC c6 day la tam giac ABC vudng tai C, AB=2a, AC=a va SA vudng
goc v6i mit phang (ABC). Biét goc giira hai mét phing (SAB) va (SBC) bang 60°. Tinh thé
tich cua khéi chop S.4BC.

3 3 3 3
A 4Y2 B.‘“/g. c.‘“/g. p. “Y2
6 12 4 2

Cho khdi chop S.ABC 6 diy ABC la tam gidc cin tai A véi BC=2a, BAC =120°, biét
S4 1 (ABC) vamat (SBC) hop v6i ddy mot goc 45°. Tinh thé tich khoi chép S.4ABC.
a’ a’ a’
A —. B. V2. C. —. D. —.
2 9 3
(Bac Liéu — Ninh Binh) Cho hinh chop S.ABCD c¢6 ddy ABCD la hinh chit nhat c6 AB=a,

AD =2a; SA vudng goc véi ddy, khoang cach tir 4 dén (SCD) bang % Tinh thé tich ctia kh6i

chop theo a.
A. ﬂcf. B. ﬂcf. C. ﬁcf. D. ﬁaS.
45 15 15 45

(Cum lién trwong Hai Phong- 2019) Cho hinh chop S.ABCD c6 day ABCD la hinh vuong
canh a, SA vudng goc voi day ABCD, gbc giira hai mat phang (SBD) va ABCD bang 60°. Goi
M , N lan luot 14 trung diém ciia SB,SC . Tinh thé tich khéi chop S.ADNM .

3 3 3 3
a6 By -6 c.y-3aNe p.y a6

16 24 ) 16 8
(Chuyén Lé Quy Doén DPién Bién 2019) Cho khoi chép S.ABCD c6 day 1a hinh vuéng canh a,

AV =

SA vuéng gbc v6i ddy va khoang cach tir C dén mit phing (SBD) bing #. Tinh thé tich ¥

ctia khéi chop da cho.
3 3 3
Av=L B.V=a. cr=%. b,y P3¢
2 3 9

(Bim Son - Thanh Hoéa - 2019) Cho hinh chop S.ABCD c6 day 1a hinh vudng canh a, S4 vuong
goc v6i mit day, SD tao vi mat phing (SAB )mét goc bang 30°. Tinh thé tich ¥ ctia khdi chop
S.ABCD.

3 3 3
AV =3d". B.V=\/§3a . C.szg . D.V=\/E3a .
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Cau 16.

Cau 1.

Cau 3.

Cau 5.

Cau 6.

Cau 7.

(Thpt Vinh Lc - Thanh Héa 2019) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi, goc
BAD béng 120°, AB = a. Hai mit phing (SAB) va (SAD) cung vudng goc véi ddy. Géc giita
(SBC) va mit phang déy 1a 60°. Tinh thé tich ¥ cua chép S.ABCD .

2a°\15 a’ a’\3 a’13

. B.V=—. C.V= . D. V=
15 12 4 12

AV =

(THPT Viét Dirc Ha N§i 2019) Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudéng canh a,
mat bén S4B la tam giac can tai S va nam trong mat phang vuéng goc voi day; goc gitta SC va
mit phang day bang 45° . Tinh thé tich khbi chép S.4BCD bang:

3 3 3 3
a3 e S p, 45
12 9 24 6

(THPT Thi¢éu Héa — Thanh Hoéa -2019) Cho hinh chop S.ABCD c6 day ABCD 14 hinh chir
nhat, tam giac SAB la tam gidc déu canh a va nam trong mat phang vudng goc voi day. Mat
phang (SCD) tao véi ddy goc 30°. Thé tich khoi chép S.4ABCD 1a?

3 3 3 3
a3 e AL p, 33
4 2 36 36

(THPT Nguyén Khuyén 2019) Cho hinh chép tir gidc S.ABCD c6 ddy ABCD 1a hinh vudng

canh bang J2a. Tam giac SAD can tai S va mat bén (SAD) vudng goc voi miat phang day. Biét

thé tich khdi chop S.ABCD bang §a3' Tinh khoang cach A tir B dén mit phang (SCD).

A.hzia B.hzia C.hzﬁa D.hzﬁa
3 2 5 3

(P& Minh Hoa 2017) Cho hinh chép tir gidc S.ABCD c6 day 1a hinh vudng canh bﬁngﬁa.
Tam gidc SAD can tai S va mit bén (S4D) vudng goc véi mit phang ddy. Biét the tich khdi
chop S.ABCD bang §a3' Tinh khoang cach 4 tir B dén mit phang (SCD)

A.hzia B.hzza C.hzia D.h=§a
4 3 3 3

(Gia Binh 2019) Cho hinh chép S.4BCD c¢6 day ABCD la hinh vudng va tam gidc S4B déu
nam trong mit phang vudng goc véi day. Biét khoang cach giira hai duong thang S4 va BD bang

J21. Hay cho biét canh d4y bang bao nhiéu?

A 21 B. 21 C. 71\3 D. 7
(THPT Minh Khai Ha Tinh 2019) Cho hinh chop S.ABCD c6 day ABCD la hinh thang vuong
1

tai A va B, BC = EAD =a. Tam gidc SAB déu va nam trong mit phiang vudng goc voi ddy, goc

gitta SC va mit phiang (ABCD) béang & sao cho tana =§. Tinh thé tich khdi chop S.4CD

theo a.

a a a2 a3
A Vs uep :?- B. Vs icp :?- C. Vsaco ZT- D. Vs sep ZT-
(THPT Gang Thép Thai Nguyén 2019) Cho hmh chop S.4ABCD c6 day la hinh chit nhat;
AB=a;AD =2a. Tam giac SAB can tai S va nam trong mdt phang vudng goc voi day. Goc
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

TAI LIEU ON THI THPTQG 2021
gitta duong thing SC va mp(A4BCD) bang 45°. Goi M la trung diém cta SD . Tinh theo a

khoang cach d tirdiém M dén (SAC).

N R T S LRI N EIER

(Sé Bic Giang 2019) Cho hinh chép S.4ABC c6 day ABC 1a tam giac vudng tai 4. Hinh chiéu
cua S lén mat phéng (ABC) la trung diém H cia BC, AB=a, AC= a\/g , SB= a\/z. Thé
tich ciia kh6i chop S.4BC bang
NN g, Y6 e 23 p, 26

2 2 6 6

(Cum Lién Trwong Hai Phong 2019) Cho hinh phép S.ABCD c6 day ABCD 1%1 hinh chir nhqét,
mat bén SAD la tam giac vuong tai S. Hinh chiéu vudng goc ctia S trén mat phang day 1a diém
H thudc canh 4D sao cho HA=3HD. Biét raing SA= 2a\/3 va SC tao v6i ddy mot goc bang
30°. Tinh theo a thé tich ¥ cuia khdi chop S.4ABCD .
8J6d’
5

8\/8613

3

(THPT Viét Duc Ha N6i 2019) Cho hinh chop S.4ABCD c6 day 1a hinh thang vudng tai 4 va
D, AB=AD =a, CD =2a. Hinh chiéu cua dinh S 1én mat (ABCD) tring véi trung diém cua

AV =8J6a’. B.V = C. V=824 D. V=

3

BD. Biét thé tich tir dién SBCD bing “=. Khoang cach tir dinh 4 dén mit phing (SBC) 1a?

J6
A. a3 ) a2 C. a3 D. a6
2 6 6 4

B
(THPT Lé Quy Pon Dién Bién 2019) Hinh chop S.ABCD c6 day ABCD la vuong canh a,
hinh chiéu vudng goc cta S trén mat phang (ABCD) tring véi trung diém cta canh AD; goi M

1a trung diém ctua CD; canh bén SB hop voi day goc 60 . Tinh theo a thé tich cua khdi chop

S.ABM .
a*15 a*15 a*15 a*15
3 6 4 12

(HSG Bic Ninh 2019) Cho hinh chép S.4ABC c6 day ABC 1a tam giac déu canh « . Hinh chiéu

A. B. C. D.

vudng goc cua S trén day la diém H trén canh AC sao cho AH =§AC; mit phang (SBC) tao

v6i ddy mot goc 60° . Thé tich khoi chop S.4BC 1a?

3 3 3 3
a3 B.“‘6 c.“‘6 D.a\g
12 48 36 24

A.

Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai 4 vacd AB=a, BC = a3 . Mat bén
(SAB) la tam giac déu va ndm trong mit phang vudng goc véi mit phang (ABC ) Tinh theo a

thé tich cua khéi chop S.4BC.
3 3 3 3
a6 ALY c.y-2a6 b,y 2Ne
6 12 3 4
Cho hinh chop S.4ABC c6 ddy ABC la tam gidc vudng tai 4 vacd AB=a, BC= a3 Mat bén
SAB 1a tam giac déu va nam trong mdt phang vudng goc v4i mit phang (ABC ) Tinh theo a thé
tich ctia khéi chop S.4BC.
3 3 3 3
A.V:“If. B.V:"f. C.V:“f. D.V:“f.

AV =
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 1.

Cau 2.

Cau 3.

(THPT Minh Khai - 1dn 1) Cho hinh chép S.4BCD c6 day ABCD la hinh thang vuong tai A4

va B, BC= %AD =g . Tam gidc SAB déu va nam trong mit phang vudng goc véi day; goc giita

J15

SC va mit phang (ABCD) bang « sao cho tana =?. Tinh thé tich khdi chép S.4CD theo

a
3 3 3 3

a a a2 a3
A Vs yop = - B. Vsyop =+ C.Vsyep=——- D. Vs yep =——-

2 3 6 6
(Chuyén - Vinh Phuc 2019) Cho hinh chép S.4BC c6 day la tam giac cantai A, AB=AC=a,
BAC =120°. Tam gidc SAB 1a tam giac déu va nam trong mit phang vudng goc véi mit day.
Tinh thé tich 7 cta khoi chop S.4BC.

3 3

A.V:%. B.V=a. C.V:%. D. V=24

Cho hinh chép S.ABCD c6 ddy ABCDl1a hinh chit nhat, mat bén SAD 1a tam giac déu canh
24 va nam trong mat phang vudéng goc voi mit phang (ABCD). Goc giita mat phang (SBC)va
mit phang (ABCD) 1a 30°. Thé tich cua khéi chop S.4BCD la:

3 3 3
A 20N B V3 c. 43 D. 24°/3.

3 3 3
(Chuyén Nguyén Hug- 2019)Cho hinh chép S.ABCD co6 day la hinh vudéng canh a, mit bén
SAB nam trong mat phang vudng goc voi (ABCD), SAB = 30°, SA=2a. Tinh thé tich V' cua
khdi chop S.4BCD.

3 3 3
A.Vz\/ga . B.V=d' cr=2L. p.v=2,
6 9 3

Cho hinh chop S.4BC c6 AB=a,BC = a\/g,A/B\C =60". Hinh chiéu vuong goc cua S 1én mit
phang (A4BC) la mot diém thudc canh BC. Géc giira duong thang SA va mit phang (ABC) la
45° . Gia tri nho nhat cua thé tich khoi chop S.ABC bang

a3 L a3 NG NG

3 ‘T3 ‘T ‘6

Dang 3. Thé tich khdi chép déu
(Chuyén Tran Phi Hai Phong 2019) Cho khdi chop tir giac déu S.4BCD c6 canh day bang a,
goc gitta mat bén va mat day bang 60°. Thé tich V' ciia khdi chop S.ABCD bing

a*\f3 a*2 a*\f3 aS\/E

B. V= C.IV= D. V=

2 2 6

(HSG Bic Ninh 2019) Cho hinh chop tir gidc déu S.ABCD c6 canh day bang a, tim cua day la
O.Goi M va N lan luot 13 trung diém ciia S4 va BC. Biét goc giita duong thing MN va mit

phing (ABCD) bang 60°. Tinh thé tich khdi chop S.4BCD .
a*\10 B a*\30 c a*\30 b a*\10
6 ) T 6 T3
(Chuyén Lé Quy Pén Quing Tri 2019) Néu mot hinh chép tir gidc déu co canh day bang 2 va

A V=

¢6 dién tich xung quanh bang 4\/5 thi c6 thé tich bang

A.M B. 4/3. C M. D. 42.

3 "3

Trang 8 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




Cau 4.

Cau 8.

Cau 10.

Cau 1.

CAu 2.

i i TAI LIEU ON THI THPTQG 2021
Cho hinh chop déu S.4BC c6 SA=a.Goi D,E lan lugt 1a trung diém cua S4,SC . Tinh thé tich
khéi chép S.ABC theo a, biét BD vudng goc voi AE .

a*\21 a3 a7 a*\21

. B. . C. . D. .
54 12 27 27

Cho hinh chép déu S.ABCD c6 canh AB=a, goc giita duong thang SA va mit phang (ABC )
bang 45°. Thé tich khdi chop S.4BCD 1a

3 3 3 3
AL B, Y2 c. . p, 42

3 6 6 3
(HKI-NK HCM-2019) Cho hinh chop tur giac déu S.ABCD d¢ dai canh day la a. Biét rang mat

phing (P) qua A4 va vudng géc véi SC, cit canh SB tai B véi i—l; = % Tinh thé tich cta khdi

A.

chop S.ABCD
3 3 3 3
A.“f. B.“f. c.“f. D.“f.

(Sé& Quang Tri2019) Cho mdt hinh chép tir gidc déu c6 canh ddy bang 2a va canh bén tao véi
mat phang day mot goc 45°. The tich cuia khoi chop do 1a

3 3 3
A. 4“3*/5. B.“f. c.“f. D. 24°V2.

(THPT Trén Phi - 2019) Cho hinh chép t&r gidc déu S.ABCD c6 canh day bing 2a+/3 , khoang
cach giita hai duong thang S4 va CD bang 3a . Thé tich khdi chop da cho bang:

3
A. @’\3. B. 6a°\/3. C. 124°. D. 8“3*/3.
(Kiém tra ning lyc - PH - Qudc Té - 2019) Cho hinh chop tam gide déu S.4BC, canh 4B =a
va canh bén hop vaoi ddy mot goc 45°. Thé tich V' ctia khoi chop 1a

3 3 3 3

Av=L, B.V=2. cr== pD.v=2_,
12 6 3 4
Cho khéi chop tir gidc déu co tit ca cac canh bang 2a . Thé tich ciia khdi chop da cho béng:
3 3 3 3
A. 2*/35“ . B. 8% C. 8*/35“ . D. 4*/35“ .

(Pé Minh Hoa 2017) Cho tr dién ABCD c6 cac canh AB,AC va AD dbi mot vudng goc véi
nhau; AB=6a, AC=7a vaAD=4a. Goi M ,N,Ptuong ung la trung diém céac canh
BC,CD,DB. Tinh thé tich V' ctia tir dién AMNP .

A. V=74 B. V=144’ C. Vz?cf D. VzgaS

(Chuyén Hung Vwong - Phu Tho - 2020) Cho hinh chop S.ABCD c6 day ABC 1a tam giac
vudng can dinh 4, AB =a~/2. Goi I la trung diém cta BC, hinh chiéu vudng goc cua dinh S
1én mit phang (ABC ) la diém H thoa man 14 =—2[H, gbc giita SC va mit phing (ABC ) bang
60°. Thé tich khdi chép S.4BC bing

a5 a5 @15 @15

A. . B. . C. . D. .
2 6 6 12

(S& Yén Bai - 2020) Cho hinh chép S.ABC c6 ABC la tam giac déu canh 3a,
SAB = SCB = 90", gbc giita (SAB) va (SCB) bang 60°. Thé tich khéi chop S.4BC bang
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Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

A. 36“3. B. ﬁas‘ C. V2a . D. 9‘/5"3.
8 3 24 8

Cho hinh chép tir gidc déu S.ABCD c6 tit ca cac canh déu bang 1. Goi G 1a trong tAm tam giac
SBC . Thé tich tir dién SGCD bang
R B Y2 e p. Y2,

36 6 36 18
Cho hinh chép S.ABC ¢6 AB=AC=4, BC=2, SA=43, SAC = SAB=30". Tinh thé tich
khdi chop S.ABC bang

A. 4. B.5. C. 5V2. D. 245.

(Chuyén - Vinh Phiic - 2019) Cho hinh chép S.ABC c¢6 cac canh SA=BC=3; SB=AC=4;
SC = AB =2+/5 . Tinh thé tich khdi chép S.4BC.

AL \/?;90 B. \/3690 C. \/fgo D. 3890

Cho khdi chép S.ABCD c6 ddy ABCD 1a hinh vudng canh 2a, SA=SB = a2 . Khoang céch tur
A dén mat phang (SCD)bang a . Thé tich khoi chép da cho bang

3 3 3 3

\/8361 . B. ﬁ;‘ . C.Z\/ia . D. Z\Ea .

A.

Cho khdi chop S.ABCD c6 ddy ABCD la hinh thoi tim O, AB = a, BAD = 60°,50 L (ABCD)
va mit phang (SCD) tao véi mat phang day mot goc bang 60°. Thé tich khbi chop di cho bang

3 3 3 3
NS g, Y30 ¢, Y3 p, B3¢
8 24 48 12
Cho hinh chop S.4ABC c6 day ABC la tam giac déu canh a, khoang cach tir diém A dén mat
phiang (SBC) la “*QE , khoang cach giita S4 va BC la “JSE . Biét hinh chiéu ciia S 1én mat
phang (4BC) nam trong tam giac ABC, tinh thé tich khéi chop S.4BC.
AL B, <3 c. o a3
e . g 1

Hinh chop S.4BCD ¢6 ddy ABCD 1 hinh thoi tim O, 4B =a, BAD =60°,S0 1 (ABCD) va
mit phang (SCD) tao véi mit ddy mot goc 60°. Tinh thé tich ¥ ciia khoi chép S.4BCD.
3a° 3a® 3a° 3’

. B.V = . C.V= . D.V =
24 48 12 8

AV =

Cho hinh chop S.ABCD co6 day ABCD la hinh thoi canh x, BAD = 60°, goi I 1a giao diém AC
va BD. Hinh chiéu vuong goc cua S 1én mat phang (ABCD) la H sao cho H la trung diém cua
BI . Géc giita SC va (ABCD) bang 45°. Tinh thé tich V' ctia khdi chop S.4ABCD .

3 3 3 3
A.V:\/@x. B.V:\/@x. C.V:\/@x. D.V:\/@x.
12 36 24 48

Cho hinh chép S.4BC cb6 AB=AC=4, BC=2,S4=43, SAB = SAC = 30°. Tinh thé tich
khéi chop S.ABC.
AV, e =8. B.V, ,. =6. C.V, o =4. D. V, . =12.

Cho hinh chép S.ABC 6 Sd—=a, AB=a3, AC=aVJ2. Goc SAB=60",
BAC=90", CAS=120°. Thé tich khdi chép S.4BC bing
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

TAI LIEU ON THI THPTQG 2021
3 3 3 3
RE 3 c. 46, DL
3 6 3 3
(THPT Minh Khai - lan 1) Cho hinh chop S.ABC c¢6 AB=7cm, BC =8cm, AC =9cm. Céc
mit bén tao voi day goc 30°. Tinh thé tich khdi chop S.4BC. Biét hinh chiéu vudng goc cua S
trén (ABC ) thudc mién trong ctia tam giac 4BC.

A 2500 Bood(e). e SBar) b)),

A.

Cho hinh chop S.ABC co6 cac mat bén (SAB ),(SAC ),(SBC )tao v6i day cac goc bang nhau va
déu bang 60° Biét AB=13a,AC =14a,BC =15a, tinh thé tich V' cua khdi chop S.ABC
AV =283’ B.V=112{34". cC.V=84/3a". D. 84a°.

Cho hinh chop S.ABC c6 SA=SB=SC=6, AC=4; ABC la tam gidc vudng can tai B. Tinh
thé tich V' cta khoi chép S.4BC.
67 16V2

AV =167 B. v =OV7 3 S

(THPT Quynh Luu 3 Nghe An 2019) Cho hinh chép S.4BC biét ring SA=SB=SC=a,
ASB—120° BSC =60° va ASC =90°. Thé tich khéi chop S.4ABC la

C. V=162 D. V=

3 3 3 3
V2. B, N2 c. a3 p, O3
12 6 4 8
(THPT Lwong Thé Vinh Ha Ngi 2019) Cho hinh chop S.4BC c6 ddy ABC la tam giac déu
canh 1, biét khoang céch tr 4 dén (SBC) 1a ?, tr B dén (SCA) la %, tr C dén (S4B) la
\/% \ N s A A r 5 A ) M .7 ’ A7 A
>0 va hinh chi€u vuoéng goéc cia § xuong day nam trong tam gidc ABC. Tinh the tich khoi
chop Vs ypc -
L B. - c.Lt p. L
36 48 12 24
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Chuyén d& 10 THE TICH KHOI CHOP

DANG CAU HOI DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM

PHUONG PHAP CHUNG ' ,
THE TiCH KHOI CHOP — KHOI LANG TRU
1. Thé tich khdi chép Vo = %-Sdéy. chiu cao| = %-Sdéy. d(dinh; mat phiang déy)

2. Thé tich khéi ling tru |V, chiéu cao

lang tru = S

. Thé tich khéi 1ap phuong . Thé tich khéi hop chit nhat
' o

day*

3. Ti s0 thé tich 7 ‘
« Cho khoi chép S.ABC, trén cac doan thang SA, SB, SC lan
luot

lay cac diém A’, B/, ¢’ khac S. Khi d6 ta ludn co ti s6 thé tich:
Vi wpe _ SA” SB' SC"

% ~ SA SB SC

S.ABC
. Ngoai nhiing cach tinh thé tich trén, ta con phuong phép chia nho
khéi da dién thanh nhimng da dién nho ma dé dang tinh toan. Sau d6
cong lai.
. Ta thuong dung ti s thé tich khi diém chia doan theo ti 18.
4. Tinh chat ciia hinh chép déu
. Pdy la da gidc déu (hinh chop tam giac déu cé day 1a tam giac déu, hinh chop tir gidc déu co day l1a
hinh vudng).
. Chén dwong cao tring véi tim dwong tron ngoai tiép da gidc ddy
. Cdc mdt bén la nhivng tam gidc cén va biang nhau.
. Géc giita cdc canh bén va mdt ddy déu bing nhau.
. Géc giita cdc mit bén va mat ddy déu bang nhau.

5. Ttk dién déu va bat dién déu:

. Tt dién déu 13 hinh chép co tit ca cac mat 1a nhirg tam giac déu bang nhau.

. Bat dién déu 13 hinh gdm hai hinh chép tir gidc déu ghép trung khit hai day v6i nhau. Mdi dinh cta no
1a dinh chung cta bon tam giac déu. Tam mit 13 cac tam gidc déu va bang nhau.

Néu ndi trung diém cua hinh tr dién déu hodc tAm cic mit cua hinh 1ap phuong ta s€ thu dwgc mdt hinh
bat dién deu.
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‘aw" RS
Hinh liing tru ding va hinh ling tru déu:
. Hinh ling tru ding 13 hinh ling tru c6 cac canh bén vudng goc véi mat phang day. Do d6 cac mat bén
ctia hinh ldng tru dimg 1a cac hinh chit nhat va nam trong mit phiang vudng goc voi mit phang day.
. Hinh ling tru déu 13 hinh lang tru dimg c6 day 1a da giac déu.

V

XAC PINH CHIEU CAO THUONG GAP

a) Hinh chép c6 mét canh bén
vudng goc voi day: Chi€u cao
cua hinh chdp 1a d6 dai canh bén

Vi du: Hinh chop S.ABC €6 canh bén
SA vudng goc v6i mat phang day, tirc
SA 1 (ABC) thi chiéu cao ctia hinh

S

vudng goc voi day. chop 1a SA.

b) Hinh chép c¢6 1 mat bén
vudng goc voi mit day: Chiéu
cao cua hinh chop 1a chiéu cao
cua tam giac chua trong mat bén
vuong goc voi day.

Vi du: Hinh chop S.ABCD c6 mat
bén (SAB) vudng goéc voi mat
phang day (ABCD) thi chiéu cao
cta hinh chép 14 SH 1a chiéu cao
cua ASAB.

c¢) Hinh choép cé 2 mat bén
vudng géc voi mit day: Chicu
cao ctia hinh chép 1a giao tuyén
cua hai mat bén cung vudng goc
v6i mat phang day.

Vi du: Hinh chép S.ABCD c6 hai s
mat bén (SAB) va (SAD) cung

vuong goc véi mat day (ABCD)

thi chiéu cao ciia hinh chop 1a SA.

Vi_du: Hinh chép déu
S.ABCD cé tam da giac day
1a giao diém cia hai duong
chéo hinh vuong ABCD thi
c6 duong cao la SO.

d) Hinh chép déu:

Chiéu cao cta hinh chép 1 doan
thang nbi dinh va tim cua day.
P6i v6i hinh chép déu day la
tam giac thi tdm la trong tdm G
clia tam giac déu.

DIEN TiICH CUA MQT SO HINH THUONG GAP

[l Dién tich tam giac thwong: Cho tam giac ABC va dit AB=c¢, BC=a, CA=0b va

a+b+c 5 X 3
= Y : nira chu vi. Goi R, r lan luot 1a ban kinh dudng tron ngoai ti€p va ndi ti€p cta tam giac
ABC. Khi dé:
= 1a.h = lb.hb = lc.h
2 " 2 2
= 1absinC’ = 1bcsinA = lacsinB
Sope =1 2 2 2
_abe_
4R
= \p(p —a)(p — b)(p — ), (Heron)
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am gidc vuong — 5 *(tich hai canh g6c vuong).
_(canh huyén)®
* Stam gidcvuong can 4 ’
(canh)z.\/g s R canh.\/g
* Sumggcan ————— = Chiu cao tam gidc déu = S
") Shinh chitnhat = dai X 1ONg va Shinh vuong = (canh)?.
(day 16n + ddy bé)- (chiéu cao)
D Shinh thang = 2 :
0 __ Tich hai dudng chéo =3 _ Tich 2 duong chéo

TG gidc c6 2 dudng chéo vuong géc ~ 2 hinh thoi — 2

HE THUC LUQNG TRONG TAM GIAC

1. Hé thirc lwong trong tam giac vuong )

Cho AABC vuong tai A, ¢c6 AH la duong cao, AM Ila trung tuyén. Khi do:

x BC* = AB* + AC” (Pitago), AH.BC = AB.AC.

x AB> = BH-BC va AC* =CH -CB. A

L v A~ mBoHC
AH*> AB* AC?

x* BO =2AM.

« S :%-AB-ACZ%-AH-BC.

AABC

-
2. Hé thirc lwong trong tam giac thuwong B H M C
Cho AABC va dat

AB=c¢, BC—a, CA—b, p— %b” (nita chu vi). Goi R, r 14n lugt 13 bén kinh duong tron

ngoai tiép va noi tiép tam giac ABC. Khi do:
b C A

+* Pinh ly ham sin: — =— = — =2R.
sinA sinB sinC

~ ~ 2 2 2
o a’ :bQ+62—2bCCOSA:>COSA:b+2% c b
c
~ o~ 2 2_ 2
*})inhlyhz‘lmcos:«-b2:a2+c2—2accosB:>cosB:a+26—b.B a c
- - a2+l;120—02 M
e’ =a* +b* —2abcosC = cosC = —————
2ab
A _AB2+AC’2 _302
2 2 2 42
* Cong thirc trung tuyén: {» BN’ = b4 —;BC - Af .
CA* +CB* AB’
e OK? = _ 4
2 : /\
* Pinh ly Thales: 2
Sy [AM] )
. — —k B c
SAABC AB
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Cau 1.

Cau 4.

Cau 5.

Cau 6.

1. Canh bén vudng goc voi day
(Pé Tham Khio 2020 Lan 2) Cho khdi chop co dién tich ddy B =3 va chiéu cao h=4. Thé
tich ctia khdi chop di cho bang
A. 6. B. 12. C. 36. D. 4.
Loi giai
Chon D
1

. . 1
Ta c6 cong thure thé tich khoi chop V = E.B.h = 3.3.4 =4,

(M4 101 - 2020 Lan 1) Cho khéi chop c6 dién tich day B =6 va chiéu cao & =2 . Thé tich cua

khéi chép da cho bang:

A. 6. B. 3. C. 4. D. 12.
Loi giai

Chon C.

Thé tich ciia khdi chop V = %Bh =4

(M4 102 - 2020 Lan 1) Cho khéi chop c6 dién tich day B =3 va chiéu cao 4 =2. Thé tich khdi

chop da cho bang

A. 6. B. 12. C.2. D. 3.
Loi giai

Chon C

Thé tich khdi chép di cho 1a V/ :%Bh :%.3.2 =2.

(M3 102 - 2020 Lan 2) Cho khdi chép cé dién tich diy B =6a” va chiéu cao 4 =2a. Thé tich

khéi chop da cho bang:
A. 24°. B. 4a’. C. 6a’. D. 124°.
Loi gidi
Chon B
1 1

V==-Bh==6a*2a=4a’
3 3

(& Minh Hoa 2017) Cho hinh chép tir giac S.ABCD c6 day ABCD 1 hinh vudng canh @, canh
bén SA4 vudng goc voi mit phang day va S4 = a~/2. Tinh thé tich V' cta khéi chop S.4BCD

24° 24° 24°
A.sza B.sza C. V=24 D.Vz*f“
6 4 3
Loi gidi
Chon D
Y
// % \\\:\\‘\ ‘\\\
/ \\ E “
/ s 5
/ 3 \\\
/ A
/ \ > B
[ A4 \
/ \
//,"' \\
joa
D C

Taco S4 L (ABCD) = SA4 la duong cao cua hinh chop
3
Theé tich khoi chop S.ABCD : V = %SA.SABCD = %.aﬁ a’ = # :

(M4 105 2017) Cho khéi chop S.ABC ¢6 SA vudng goc véi day, SA=4, AB=6, BC=10 va
CA =8. Tinh thé tich V cua khéi chop S.ABC.
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A. V=32 B. V=192 C. V=40 D. V=24

Loi giai

Chon A

1

Tacé BC> = AB> + AC? suy ra AABC vuongtai A S, =24,V :55 SA=32

ABC ABC

Cau7. (THPT Nguyén Khuyén 2019) Cho hinh chép t&r gidc S.4BCD c6 day ABCD la hinh vudng
canh a, canh bén S4 vudng géc véi mit phang day va S4 =+/2a. Tinh thé tich khéi chop

S.4BCD.
3 3 3
A, Y20 p, N2 C. 2a’ D. V2a
6 4 3
Loi gidi
Chon D

2 1 \/5613
—3 .

Taco Sypep=a". Vs upep ZESA‘SABCD =

Ciau8. (THPT Poan Thuong - Hai Dwong 2019) Cho hinh chop S.4BC co day la tam giac déu canh

3

a,canh bén SA4 vudng goc voi day va thé tich cuia khdi chop d6 bang % . Tinh canh bén S4.

A. a‘z/_i_ B. a33‘ C. a\/g. D. 2a\/§.

Loi giai

s

A (&

B

3

34

1 3,
Vs asc :E-SAABC.SA:SA sapc _ 4 f — a3,
4
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Cau 9.

Cau 10.

Cau 11.

(THPT Minh Chau Hung Yén 2019) Cho hinh chép S.4BC c6 ddy ABC la tam giac déu canh

a.Biét SA L (ABC) va S4= a3 . Tinh thé tich khéi chop S.4BC.
3 3 3
B. L c. p. 3%
2 =4 4

AL
4

Loi gidi
Chon C

Ta co S4 la duong cao hinh chop

2
Tam giac ABC déu canh a nén S e :#
2 3
Vay thé tich can tim 1a: ¥ . :%‘a f‘a 3 :%_

(THPT Viét Pirc Ha Ngi 2019) Cho hinh chép S.4BC c¢6 day la tam giac déu canh a . Canh bén
SC vudng gée véi mit phiang (ABC), SC = a. Thé tich khdi chép S.ABC bing

3 3 3 3
A.“‘/g B.aﬁ C.“‘/g Q.a‘/g
3 12 9 12
Loi giai
Chon D
g
ol B
A
azx/g 1 azx/g B a3\/§

S, =Y sy =4
ABC 4 S.ABC 3 4 12

(THPT An Lio Hai Phong 2019) Cho t& di¢n 4BCD c¢6 AD vudng goc v6i mat phiang (4BC)
biét day ABC 1a tam giac vudng tai B va AD =10, AB=10, BC =24 . Tinh thé tich cua t& dién
ABCD .

A. 7 =1200 B. 1/ =960 C. V=400 D.V=—""{

Loi giai
Chon C

B

Tacd Vpep = %AD.%AB.BC = %10. 10.24 = 400
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Cau 12. (THPT Hung Vwong Binh Phuéc 2019) Cho hinh chép S.ABC c¢6 canh bén SA4 vudng goéc voi

mit phang day (ABC ) Biét S4 =a, tam gidc ABC 1a tam giac vudng can tai 4, AB=2a. Tinh
theo a thé tich ¥ cta khéi chop S.4BC.

3 3 3
a a 2a

A V=", B.V="—. C.v=" D.V=2a.
6 2
Loi giai
Dién tich tam giac ABC vudngcantai 4 la: §,,. = %AB.AC = %2a.2a =2a’.

3
Thé tich khSi chop S.ABC L Ve =3 SAS e =020 =25

Ciu 13. (Chuyén KHTN 2019) Cho khdi chop S.ABC c6 day ABC la tam giac vudng tai B,
AB=a,AC =2a,54 1 (ABC) va SA=a. Thé tich cua khéi chop da cho bang
a3 a*\f3 2a’

A. . B. .
3 - 6 3

D.

Tacd BC* = AC* — AB> =3a*> = BC =a+3.
X 1 11 1 a3
Vay Vs sc =§SAABC.SA=§.EAB.BC.SA:g.a.a 3a= 6

Ciu 14. (S& Can Tho 2019) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, 4B=3a va
AD=4a . Canh bén SA vudng goc véi miat phang (ABCD) va SA=a~2. Thé tich cua khéi
chop S.ABCD bang

3 3
A. 424 B. 12424°. C. 4*?“ : D. 2@“ :
Léi gidi
Chon A

Dién tich ddy hinh chit nhat1a S = AB-AD =3a-4a =12a" (dvdt)
Thé tich ctia hinh chép c6 ddy hinh chit nhat Ia ¥ = %Sh _ % 124> a2 = 42,
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Cau 15.

Cau 16.

Cau 17.

(Sé Can Tho 2019) Thé tich ctia khéi chop c6 dién tich day bang ? va chiéu cao bang # 1a
A.ﬁ. g.l. c.ﬁ. D. 1.
6 3 3
Loi giai
Chon B

Thé tich khéi chop 1a V = % . chiéu cao. dién tich day = % .

(Sé& Nam Pinh 2019) Cho khéi chop S.4BCcod day ABC la tam giac vudng can tai B, d6 dai
canh AB=BC =a, canh bén S4 vudng goc voi day va S4=2a . Tinh thé tich V" ctia khoi chop
S.ABC.

3 3 3

A.v=2 B. V=2 C.V=d. p.v=2_.
3 2 6
Loi gidi
S
4 — C
B

Chon A
1 1 1 a’
Taco: V. ==8SA4-S,. . =—2a-—-a’=—.
S.ABC 3 ABC 3 2 3

(Bac Liéu — Ninh Binh 2019) Cho hinh chép S.4BC, c6 day ABC la tam giac vudéng can tai
A, SA= AB=a, SA vudng gbc véi mit phang (ABC). Thé tich cta khdi chop S.ABC bang

a’ a’ a’ 3a’
A, —. B. —. C. —. D. —.
3 - 6 2 2
Loi giai
Chon B

3
Thé tich ctia khéi chop S.ABC : V, . = %SA.SABC = % .
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

) ) TAI LIEU ON THI THPTQG 2021
(Nguyén Khuyén HCM-2019) Cho tt dién OABC c6 0OA, OB, OC d6i mot vuéng goc va
0OA=0B =0C = a. Khi d6 thé tich cua tir dién O4BC 1a

3 3 3
AL B. L. p. L.
12 6 2

Chon B

, 1 11 a’
Taco: V ==8,30.04==.—0B.OC.OA=—.
3 32 6

(THPT Minh Khai - 2019) Cho hinh chop S.ABC cé dién tich day la azx/g , canh bén SA4
vudng goc v6i day, SA = a. Tinh thé tich khdi chop S.4BC theo a.

3 3 3
A. A3, B."‘g. C.“‘g. D.“ﬁ.
=3 6 2
Loi gidi
Chon B

a3
5

Ap dung cong thirc ¥ = %Bh taco V =

(Thpt Vinh Lgc - Thanh Héa 2019) Cho hinh chép S.4BCD c6 day la hinh vuong 4BCD canh
a, canh bén S4 vudng goc vai mat
phing day va S4 = a~J2 . Thé tich ctia khéi chop S.ABCD bang

2 3 2 3 2 3
AV =24 B,y -2 .y Q.V=Ia .
6 4 3
Loi giai
Chon D
/ : \\\\‘\
/AN
/o AN N
N
// 3 \ AN
/ i \\\\ ’ .
/ T TR “D
; /.- \C/,—
1 1 a’2
Vs.apep = ESA'SABCD = ga 2.4° = T .

(Hdi 8 trwomg chuyén PBSH - 2019) Cho hinh chép tir giac S.4BCD c6 ddy ABCD 1a hinh
vudng canh bing a, S4 L (ABC), SA=3a. Thé tich V' cta khéi chép S.4ABCD la:
1
A V=ad. B.V =3a". C.V=§a3. D.V =2d.
Loi giai
Chon A
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Dién tich day ABCD 1a S, =a’.
Vi 84 L (ABC) nén chiéu cao ctia khbi chop 1a S4=3a.

Vay thé tich khéi chop S.4BCD la: V :%.SABCD.SA :%.a2.3a =a’.

Cau22. (THPT Ham Réng 2019) Cho hinh chép S.ABCD c6 ddy ABCDIa hinh vudng canh a . Biét
SA L (ABCD) va S4=a+/3 . Thé tich cta khdi chop S.ABCD la:

3 3 3
A.‘“B. B. a’\f3. g."‘g. ) ey
12 3 4
Loi giai
Chen C

s

a

B a c

Khdi chop S.ABCD c6 chiéu cao /= a~/3 va dién tich day B = a’.

a’\3

Nén c6 thé tich V:%ﬁ;[: =

Ciu 23. (THPT Céong Hién - 2019) Khing dinh nao sau day la sai?
A. Thé tich ctia khéi chop cé dién tich day B va chiéucao A 1a V = %Bh .

B. Thé tich cua khdi lang tru c6 dién tich ddy B va chiéu cao A 1a V = Bh.
C. Thé tich ctia méot khéi hop chir nhat bﬁng tich ba kinh thudc cua no.
D. Thé tich ctia khbi chop co dién tich ddy B va chiéu cao & 1a V =3Bh.
Loi giai
Chon D
Theo cong thirc tinh thé tich khdi chép, khdi lang tru va khéi hop chir nhat ta thay cac khang dinh
dang 1a A, B, C; khéng dinh sai la D.

Ciu 24. (Ly Nhéan Téng - Bic Ninh 2019) Cho hinh chép S.ABC c6 diay ABC 1a tam giac vudng tai B.
Canh bén SA vudng gbc voi miat phiang day. Biét SA= AB=2a, BC =3a. Tinh thé tich cua

S.ABC 1a

A. 3a’. B. 4a°. C. 2a°. D. a’.
Loi giai

Chon C

Trang 10 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




Cau 25.

Ciu 26.

TAI LIEU ON THI THPTQG 2021

v=21lippcsa-2a.

32
(Kinh Mén - Hai Duwong 2019) Cho hinh chép S.ABCD c6 day ABCD hinh chir nhat véi
AB=4a, BC=a, canh bén SD=2a va SD vudng goc vai mat phang day. Thé tich khoi chop
S.ABCD bang

A. 6a’. B. 3a’. C. §a3. D. §a3.
Loi giai

Chon C
Theo d&, ta c6 thé tich hinh chép S.ABCD 1a V = %.SABCD SD.

ABCD 1a hinh chit nhat nén S ., = AB.BC =4a>. Vay V, ,cp = %.4 a’2a= §a3

(Sé Pién Bién - 2019) Tinh thé tich cua khéi chop S.ABC c6 SA 1a dudng cao, day 1a tam giac
BAC vuongcantai A; SA=AB=a

3 3 3 3
Av=L, B.V=2, cr=24. p.v=2.

3 6 3

Loi giai

Chon B

(THPT Luwong Thé Vinh Ha 2019) Cho hinh chép S.4BC c¢6 ddy ABC la tam giac vudng can
tai B va AB =2a. Tam giac SAB dcu va nam trong mat phang vudng goc voi day. Tinh the tich

V cta khdi chop S.ABC
3 3 3 3
a\/g :a\/g C.V:a\/g D.V:2a\/§
4 3 12 = 3

Loi giai

AV = B.V

Chon D
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B
Goi H la trung diém cua AB suy ra SH =a\3

AB=2a=BC=2a=§,,, =%(2a)2 =24’

1 1 2a’°
VSABC :_‘SABC‘SH 2_2(12(1\/»: a \/g

‘ 3 3 3
(Chuyén Béic Ninh 2019) Cho khdi chép S.ABCD c6 déy la hinh vudng canh a+/2, tam gidc
SAC vudng tai S va nam trong mit phang vudng goc voi day, canh bén SA tao véi day goc 60°.
Tinh thé tich V" ctia khoi chop S.ABCD .

3 3 3 3
A y=CY3 5.1/:‘“6. c.y-aYe p.y=@V2
12 3 12 12
Ké SH L AC, He ACHsuyra SH 1 (ABCD).
y . , . a3
AC =2a, tam gidc SAC vuong ¢ S, goc SAC =60" nén SA=a,SC=a\/§,SH=T.
. 2 3
Thé tich hinh chép 1 V:%(a\/i) .§= a 3*/5

(SGD Nam Pinh 2019) Cho hinh chép S.4BCD c6 day la hinh vudng canh bang 2a. Mit bén
(S4B) 1a tam gidc déu va nim trong mat phang vudng goc véi mit phang (ABCD). The tich cua

khdi chop S.ABCD 1a

3 3 3
A. 4’3 B.“*B. C.“*B. 2.4“*/5.
2 4 3
Loi gidi
Chon D
S
AN
/f \\‘ S
[PV N
/ 5 \\ ~
[ AN
f : YA \\
e T
[
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Goi H latrung diém cua AB,tacd SH | AB.
Ma (SAB) L (ABCD) theo giao tuyén la dudng thang AB nén SH L (ABCD).

2 2a\/_ 4a3\/_

ABCDSH_3( ) 5 3

Cho khéi chop S.ABCD c6 day ABCD 1a hinh vuéng canh @, tam gidc SAB can tai S va nam
trong mit phang vudng goc voi ddy, S4=2a. Tinh theo a thé tich khdi chop S.4BCD .

Thé tich khdi chép S.ABCD bang V = %S

N N
AV =24 By =915 c =15 p.y=24
12 6
Loi gidi
Chon C

Goi H latrung diém AB.

Theo dé, tam giac SAB cantai S nénsuyra SH 1 4AB.

Mit khéc, tam gidc S4B nam trong mat phang vudng goc véi day nén suy ra SH | (ABCD) .
Xét tam giac SHA vudng tai H .

2
SH =ISA* — AH? = |(2a)’ Z a*/_

Dién tich hinh vudéng 1a S ,,, =

a*15
—

. . 1
Vay thé tich khoi chép S.ABCD 1a V = E.SH S isep =

Cho hinh chép S.4BC c6 ddy ABC la tam gidc vuodng tai C, tam gisc S4B déu nam trong mat
phéng vudng goc voi day. Tinh theo a thé tich cua khdi chop. Biét ring AB = a+/3; AC = a.

3 3 3 3
AL g.“ﬁ. C.“*g. D.“‘E.
2 4 2 2

Léi gidi
Chon B
S
A B
C

I
Trong mit phang (SA4B).Goi H 14 trung diém ctia AB.

ASAB déu= SH 1| AB.
Ta co:
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Cau 7.

SH 1 AB

(SAB)(ABC)= AB | = SH L (4BC).
(S4B) L (A4BC)

ASAB d&u AB=av3 :>SH=37a.
AABC 1a tam gidc vudng can tai C = AB*> = AC* + BC? = BC =+/3d*> —d* = a~/2.

13a1 a*\2
Vs.asc 25750\5-“ =
Cho hinh chop tir giac S.ABCD c6 day ABCD 1a hinh vudng canh a, mat bén SAB 1a mot tam
giac déu va nam trong mit phang vudng goc véi day (ABCD) . Tinh thé tich khdi chop S.4BCD

3 3 3 3
AL B.a\/g. C.a\/g. p. L.
6 =6 2 2
Loi giai
Chon B

Hinh v€ minh hoa

B“=

Goi H latrung diém AB thi SH L AB va SH = #
(S4B) L (ABCD)
Taco (SAB) m(ABCD) =AB=SH 1 (ABCD) . Suy ra SH 1a duong cao cta hinh chop.
SH 1 AB
Dién tich day S ,,., =a’
3
Vay thé tich khéi chép S.ABCD 1a V., = %SH.SABCD = % “f a =2 f

(Chuyén PH Vinh 2019) Cho hinh chép S.ABCD c6 ddy ABCD 1la hinh vudng canh a,

SA = a22 , tam gidc SAC vudng tai S va nim trong mdt phang vudng géc véi (ABCD). Tinh
theo a thé tich ¥ cua khdi chop S.ABCD .
3 3 3 3
A.V:*/g“ . B.V:*/ga . C.V:*/ga . D.V:ﬁ“ .
12 3 4 6
Chon A

Goi H 14 hinh chiéu vudng goc ciia S 1én AC.
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TAI LIEU ON THI THPTQG 2021

Ta ¢6 SO:%AC: A2 Gy ra ASAO 1 tam gide déu.
:SH:&.
4
3
Vay V:l.“‘/g.azza \/g‘
374 12

Cho hinh chop S.ABC c6 day la tam giac cantai 4, AB= AC =a, BAC =120°. Tam giac SAB
1a tam giac déu va ndm trong mit phang vudng goc v4i mat day. Tinh thé tich ¥ cta khdi chop
S.ABC.

3 3
A.V:%. B. V =24’ C.V=d. Q.V:%.
Loi giai

Chon D
S

P

a3

Goi H latrung diém AB ,tacd SH L AB va SH:T.

(SAB) L (A4BC)
Khi d6 {(SAB)N(ABC)= AB = SH 1 (4BC).
SH L AB

3
.a\/g.l.az.sin120° = a__
2 2

Thé tich khdi chép ¥ = %SH.SMBC =

W | —

3

a
Vay V =—.
Yy 3

Cho hinh chép S.4BCD c6 day la hinh vuéng canh bang 24 . Tam gidc SAB cin tai § va nam

4q°

trong mat phang vudng goc véi day. Biét thé tich khéi chop S.ABCD bang . Gol a 1a gbc

gitta SC va mat day, tinh tanca .

iR

7

IS

. tana =

A. tana=—3. B. tanazﬁ. C. tana = ﬁ
3 5 5
Loi giai
Chon D
Dung SH L AB, do (SAB) L (ABCD) theo giao tuyén AB nén SH 1 (ABCD)= a =SCH .
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1 1 4q°
Tacd Vs pep =5 SH.S cp = S SH Ad’ = % = SH =a.
Do aSAB cantai S nén H 1a trung diém cua AB = HC =~/BH* + BC* =a+/5.
SH a 5

= tana:tan@ == =—
HC 4J5 5

Ciu 10. (S& Bic Giang 2019) Cho hinh chép S.ABC c6 ddy ABC 1a tam giac vudng tai 4. Hinh chiéu
cia S 1én mit phing (ABC) 1a trung diém H cua BC, AB=a, AC= a3 , SB =a2. Thé
tich cua khdi chop S.4BC bing

a3 a*\6 a3 a*\6

A. . B. . C. . D. .

2 2 = 6 6
Loi gii

B

2
Xét tam gide ABC vuéng tai A co: BC =\JAB* + AC* = ,|a’ +(aJ§) =2a.
H 14 trung diém ctia BC nén BH =a.

2
Xét tam gidc SBH vuong tai H co6: SH =+/SB* — HB’ :,[(a\/i) —-a’=a.

Dién tich ddy ABC la: S, = % AB.AC = %a%/? .

Caul. (Chuyén Hung Vwong Gia Lai 2019) Thé tich ctia khdi chop tir gidc déu co tit ca cac canh bang

ala
a2 a2 a2
- 6 3 2

A. ) B. ) C.a'. D.

Gia sir khdi chop tir giac déu di cho 1a S.ABCD . Khi d6 ABCD 14 hinh vudng canh a va
SA=SB=SC=SD=a.
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Cau 2.

TAI LIEU ON THI THPTQG 2021
Goi H 1a tam cta hinh vuéng ABCD thi SH L (ABCD) nén SH 1a chiéu cao cua khoi chop

S.ABCD . Tinh SH :
Xét tam giac ABC vuong tai B tacod: AC = JAB* +BC? =a’ +d*> =2 .

Nhan thiy AC? =S4 + SC* nén tam gidc SAC vudng tai S . Suy ra SH = % = %
Dién tich day ctia khdi chop S.ABCD 1a S ., =a”.
7 , 1 )
Vay thé tich khéi chop S.ABCD 1a: V=25, SH =~.a*.~% - o2
3 372 6

(Mai 104 2017) Cho khéi chop tam giac déu S.ABC c6 canh ddy bang a va canh bén bang 2a.
Tinh thé tich V' cua khdi chop S.4ABC.

3 3 3 3
A.V:Jﬁ“ B.V:Jﬁ“ C.V:\/Ea D.V:*/ﬁ"
6 4 12 12
Loi gidi
Chon D

Do day 1a tam giac déu nén goi / 14 trung diém canh BC, khi d6 A7 1a dudng cao cua tam giac

2
/ 3
day. Theo dinh ly Pitago ta c6 Al =,|a’ —% :i’ va AO = %AI = 2a+3 = a3 )

2 3 3.2 3
2
Trong tam giac SOA vudng tai O tacod SO =,|4a’ 4 - Jia .
343
11 a\/g \/ﬁa _ \/ﬁa3

Vay thé tich khdi chop S.ABC 1a V =—.—a )
ay c 11C 01C Op a 3 2 2 \/§ 12

(Chuyén Vinh Phiic 2019) Cho mét hinh chép tam gidc déu c6 canh day bang a , goc giita canh
bén va mit phang day bang 45°. Thé tich khdi chop d6 1a

3 3 3 3
A O3 B c. o p. &3
12 12 36 36
Loi giéii
Chon B

+ (54;(4BC)) = SA0 = 45°
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a3
3

1 a\/g a2x/§_a3

+ SO = A0.tan45° =

1
+V==-80S8, =——. =
3 e 373 4 12

(Dé Tham Khio 2019) Cho khéi chop tir gidc déu co tit ca cac canh bang 2a . Thé tich cua khdi
chop da cho bang

3 3 3 3
a 22 B. 3 c. B p, H2a
3 3 3 3
Loi gidi
Chon D
S

___________

[ R —————

-
-

=

Goi hinh chép tir gidc déu c6 tat ca cac canh bang 2a 1a S.ABCD va I tim cua day ta co:
SA=SC=BA=BC=DA=DC = ASAC = ABAC = ADBC => ASAC; ABAC; ADAC lan luot
vuong tai S,B,D.

I 1a trung diém cta AC suy ra SI = %AC = %23.@ =a2

1 1, o 42a°

VSAABCD = ESABCD‘SI = 5(261) ~a\/§ = 3

(M3 123 2017) Cho khéi chop tir giac déu c6 canh day bang 4, canh bén gip hai lan canh day.
Tinh thé tich V ctia khbi chop da cho.

J24° J14a° 24° J14a°

B.V= C,VZ D.V:
2 2 6 6

Loi giai

AV =

Chon D

1 _1afi4 V14

Thé tich khoi chép: V = 3508 me0 =3 :
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Cau 6. (Lién Trwong Thpt Tp Vinh Nghé An 2019) Cho khoi chop tir giac déu c6 canh day bang 2a

canh bén bang avJ5 . Thé tich ciia khéi chop da cho bang

3 3
A. 454 B. 434°. C. 4J5a . D 4\3a

3 - 3

Tacd S,y =4a’; SO=SB> —0B* =+5a° —2d* =a /3

1 a\/§.4a2 B 4\/§a3

Vay Vs upep = ESO'S ABCD 3 3

Cau7. (THPT Luwong Tai S6 2 2019) Cho hinh chép tir gidc ddu S.ABCD c6 canh day bing a6, goc
giita canh bén va mat day bang 60°. Tinh thé tich ¥ ctia khdi chop S.ABC?
A. V=94’ B. V=24 C.V =34 D. V =6a’
Loi giai
Chon D

2

Dién tich ddy 1a: S ., = AB* = (ax/g) =6a’.

Goc gilta canh bén SB va mat day (ABCD) la SD/,(M) = SDO = SDO = 60"
1 1 1

ABCD 1a hinh vudng suy ra DO = EBD = EAB\/_ = EaJE.\/E = a 3.

Xét tam gide vudng SOD :SO = DO.tan SDO = a+/3.tan 60° = 3a.

Vay Vs isen =%.SO.SABCD = %.30.6612 =6a’.

Ciau8. (THPT Gia Loc Hai Duwong 2019) Cho hinh chép tam giac déu S.4ABC c6 do dai canh day bang
a, goc hop boi canh bén va mit day bang 60" . Thé tich cua khbi chop da cho bang
3 3 3 3
A CV3 B V3 c. V3 p. O3
- 12 3 6 4
Loi giai

Goi H 1atam ciia tam giac déu 4BC .
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Khi d6 SH L (ABC), B =2,

3
Theo dé bai ta co: (SB,(4BC)) = SBH = 60°.

Xét ASBH vuéng tai H_C6é SH = BH.tan 60° = #.f —a.

2 3
Thé tich 7, ;. = SH.S 1, a3 _av3

ABC = 3 AMBC :ga- 4 B

Cidu9. (Chuyén Nguyén Du PakLik) Cho hinh chop déu S.4ABCD c6 chiéu cao bing a2 va do dai
canh bén bang a+/6 . Thé tich khéi chép S.4BCD bing:

3 3 3 3
A 104 \/5_ g, 10a \/2_ C. 8a\/§_ p. 8 JE_
3 3 3 = 3
Loi giai
Chon D

Goi 0= AC A BD thi SO=av2 .
Tam gidc SOA vudng tai O va SA= a6 nén OA=~/SA*-SO* =2a=> AC=BD=4a.

. .. . 1 AC.BD 1 4a.4 2
Thé tich khoi chép S.4BCD bang V =§.SO. ¢ =§.a\/§. a2 4 8a 3\/_ .

Ciu 10. (Thi thir Loméndxop - Ha Noi 2019) Xét khdi chop tam giac déu canh ddy bang a, canh bén
bang 2 lan chiéu cao tam giac ddy. Tinh the tich khoi chop.

3 3 3 3
A.a\/g. B.a\/g. C.“‘/E. D.aﬁ.
2 18 =% 4
Loi gidi
Chon C

Goi H latrong tam tam giac ABC = SH L (ABC).

Goi M 1atrung diém cta canh BC = AM L BC,AM = = S4= a\/g .

a3
2
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TAI LIEU ON THI THPTQG 2021

2
Xét tam gidc SAH vuong tai H = SH =~/S4> - AH® = \/(a\/g)z —[% &J = 2a6 _

372 3

, 1 1 azx/§ 261\/6 a3x/§
Ta co: VS_ABC:?SMBC.SHzg. 2 3 o

Ciau 11. (SP Pong Nai - 2019) Thé tich khdi tr dién déu c6 canh bang 3.

A 22 B. V2. c.%. D. 2.

= 4

Loi giai
A
B ; D
E
C

33

C6 ABCDdéu canh 3 :BE=T3:BH=\/§.
AABH vudng tai H = AH =~/AB> - BH> = 32—(\/5)2 =6.
1 1353, 93

S —BECD=——3=—+—.

aBco = 272 4

Chon A

=V

ABCD ABCD —

L2B 92

3 4 4

Céau 12. Cho khdi chop tir giac déu c6 canh day bang a, canh bén gap hai 1an canh day. Tinh thé tich
V' ctia khéi chop da cho.

J14a® J14a® J2a° 24’
. S :

l.AH S
3

A V=

B. V= C.V= D. V= .
2 6

Loi giai

Chon A

Goi O latam hinh vuéng ABCD, ta c6: SO L (ABCD) .
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2
2 14
Trong tam gidc SOC vudng tai O c¢b: SO=~SC*-0C* = (2a)2 —La[J = af :
1 a14 ) a4

: , 1
Thé tich khéi chop S.ABCD 1a: V ==.SO.S ;0 == at=
3 302 6
Ciu 13. (Nguyén Hué- Ninh Binh- 2019)Cho hinh chép déu S.4BCD c6 day ABCD 1a hinh vudng canh
a.Canh bén SA tao véi day goc 60°. Tinh thé tich khdi SBCD.
a6 B a6 C a3 b a3

6 ) 12

Chon B

Goi O=ACNBD. Do hinh chép S.ABCD déunén SO L(ABCD) suy ra O4 14 hinh chiéu
vuong goc cua SA trén mp(ABCD) (SA (ABCD)) = (SA, OA) = S40=60".

2
Taco SO = A0.tan 60" = “‘/_ W2 = ‘/_ Soen %
4, 1 1 a\/g a a3x/g
Tu do, I’/SBCD 3’SOSBCD 32 2 ,
Cau 14. Cho kh,f)i chop déu S.ABCD c¢6 canh day 1a a, cac mat bén tao vai ddy mét goc 60°. Tinh the

tich khoi chop do.

3 3 3 3

N B O3 c. “3 p. Y3

2 12 3

Chon C

Goi M 1a trung diém BC , Géc giita mit bén (SBC ) va mit phing (ABCD) la géc SMO = 60°.

a3

Xét ASOM c6 OM =%, SMO = 60° thi S0=OM.tanS/M\O=%.\/§=T

1 a3x/§

Nén Vs pep = E.SO.S anep = (dvtt). Dap an dugc chonla C.
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Cau 15.

Cau 16.

Cau 17.

TAI LIEU ON THI THPTQG 2021
Cho khdi chop tir giac déu S.ABCD c6 canh day bang a. Biét ASC = 90°, tinh thé tich V cia
khoi chop dé.
a*\2

3
D.V = .

Av=2L
3 12

Chon C

.. 2
Ta co: SABCD =a".

Goi H 1a tam cua hinh vuéng ABCD. Tam giac ASC' 1a tam giac vudéng, H 1a trung diém cua

AC nén SH:A_Czé‘
A 1 1 aN?2 (13\/5
Vay Vs ipop = gSABCD‘SH = g.a2.7 = =

Cho hinh chép tir gidc déu S.ABCD c6 canh day bang a, goc giira canh bén va mit day bang 60°.
Thé tich khéi chép S.ABCD 1a

3 3 3 3
A.a\@ B.a\/g. C.a\@ D.‘“@
6 6 12 2
Loi gidi
Chon A

Goi O latam cia day thi SO | (ABCD). Suy ra SDB = 60°.

ASDB d&u nén SO :%ﬁ :é.
3
Thé tich khéi chop S.ABCD 1a ¥ = %SABCD.SO = %az. a\Z/E =2 g/g .

(Trwong THPT Thing Long 2019) Hinh chop tam giac déu S.ABC c6 canh day 1a a va mit
bén tao v&i day goc 45°. Tinh theo a thé tich khdi chop S.ABC.

3 3 3 3
AL B. L . L p. &
8 = 24 12 4
Loi giai
Chon B
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Cau 18.

Cau 19.

Goi G 1a tam cua tam giac déu ABC va M 1a trung diém BC.
Theo gia thiét goc giita mit bén va day bang 45° suy ra SMG = 45°.

NG 1 a3

Tam giac ABC déu canh a nén AM :7(1 va GMZEAM =

SG a3

Xét tam gide SGM ¢6 tan SMG = 27 s tan45° = >0 §G = oM = V3
GM GM 6

A 2 s - . | 1 1 \/g Cl\/g a3
Vay thé tich khoi ChOp S.ABC 1la VSAABC = ESABC‘SG = E.Taz.T = ﬂ
(THPT Quynh Luu- Nghé An- 2019) Cho khi chop c6 day hinh thoi canh a (a > 0) cac canh
bén bang nhau va ciing tao v4i day goc 45°. Thé tich cua khdi chop di cho bang
3 3
B. 24, Iy D. Lo

|
A ——a’ ;
=32 2

Chon A
Ta c6 hinh v€ dudi day.

Xét khdi chop trén ta thay hinh chiéu vudng goc ctia S 1én miat phang day trung véi tim ciia hinh
thoi ABCD.

Mit khac SA =SB =SC =SD va goc hop bdi cac canh bén bang 45° nén ta c6 cac tam giac
vuodng can tai O bang nhau: ASOA4 = ASOB = ASOC = ASOD .

Suy ra hinh thoi ABCD 1a mét hinh vudng dién tich ddy bang S ., =a’.

1 a\/z

Chiéu cao ciia hinh chép trén 1a: SO = 0D = EBD = .

2
3
Suy ra thé tich khéi chép bang ¥y sep = %.SO.SABCD ~ %.%.az = 3‘\’5 .

(Chuyén Quang Trung- Binh Phwéce 2019) Tinh thé tich khdi tir dién déu co tat ca cac canh
bing a
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A a’. B. {—§a3. C. %cf. D. 6a’.
Loi giai
Chon B )
B »
M
c

Goi M 14 trung diém ciia CD. Ta co6 BM = a\2/§ = BH = a;/g. AH =~ AB* — BH’ :é

a’3

2
_1a’y3 m/E_JE 3

w=3 4 3 1"

Cau20. (Hiu Lc 2-Thanh Héa -2019) Cho hinh chép tir gidc déu ¢ canh day bang a, goc giita canh
bén va mat day bang 60°. Theé tich khoi chop la

a6 a6 a3 a6

Do day BCD la tam giac déu canh @ = S, ., =

Vay thé tich ti dién déu la 7,

A. B. C. D.
6 2 6 3
Loi giai
Chon A
Gia str hinh chép tir gidc déu la S.4BCD . GoiO 1a giao diém ciia BD va AC .
Tac6 SO L (ABCD), SAO=60°, AC = a2 = 04 = "22 ,
Khi d6 SO = A0.tan SAO =#, S ipep =@’
3
Thé tich khdi chép 1a ¥ = %SO.SABCD =2 f ,

Céu 21. Cho hinh chop tam giac déu S.ABC c6 canh ddy bang 2a, canh bén tao véi day mot goc 60°.
Thé tich khoi chép S.4BC la

Facebook Nguyén Vuwong® https://www.facebook.com/phong.baovuongTrang 25




NGUYEN BAO VUONG - 0946798489

3 3

A. 2“‘5. B.“‘ﬁ. D. a*\3.
3 3

Chon A

0 Goi O 1a tim duong tron ngoai tiép AABC thi SO L (ABC). Suy ra SAO =60°.

0 A0 =§.2a.§=#, SH = A0.tan 60° = 2a .

24)’\3
o Dién tich AABC 1a S, :% a3

2a3\/§

0 Thé tich khéi chop S.4BC 1a V = %SABC SO = T

Ciu 22. (SGD Pién Bién - 2019) Cho hinh chop tir giac déu S.ABCD c6 canh day bang 2a, canh bén
bang 3a . Tinh thé tich ¥ cta khdi chop da cho.

A. V=4\/7a3.

Chon D

Dién tich ddy S, = (2a)" =4a’,

S.ABCD 14 hinh chép tir giac déu nén SOJ_(ABCD) .
h=S50=\S4* — 40> =\9a* —2a* = a7 .

1 4a°\7

Vay V. =—Sh= .
Y Vs .acp 3 3
Cau 23. (Nguyén Hué- Ninh Binh- 2019)Kim tu thap Ké - 6p o Ai Cép dugc xdy dung vao khoang 2500
nam trudc Cong nguyén. Kim tu thap nay la mot khoi chop tir gidc déu co chicu cao la 147m,
canh day 1a 230 m. Thé tich cta no 1a
A. 2592100 m’. B. 2952100 m’. C. 2529100 m®. D. 2591200 m’.
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Chon A

230 m

Goi khéi chop tir giac déu 1a S.ABCD c6 day 1a hinh vudéng canh 230 m ; chiéu cao SH =147 m.
. 1 1
Thé tich cia n6 1a: V. ypcp =3-S.ucoSH = 5'(2302 )-147 =2592100.

Viy thé tich Kim ty thap 1a 2592100 m®.
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Chuyén d& 10 THE TICH KHOI CHOP

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

1. PHUONG PHAP CHUNG ,
THE TiCH KHOI CHOP —- KHOI LANG TRU
2 I'4 1 S 1 ? 2 Z
1. Thé tich khoi chép |V, = E-Sdéy. chiéu cao| = E-Sdéy. d(dlnh; mat phang day)
2. Thé tich khéi ling tru |V, ., = S.,- chiéu cao

. Thé tich khdi 1ap phuong [V = a*| « Thé tich khéi hop chi¥ nhat

T

3. Ti s thé tich 7 ‘
« Cho khoi chép S.ABC, trén cac doan thang SA, SB, SC lan
luot lay cac diém A/, B’, ¢’ khac S. Khi d6 ta ludn c6 ti sb thé
tich: Vs ipor _ SA’ ' SB’ . SC'.

SA SB SC

S.ABC
. Ngoai nhiing cach tinh thé tich trén, ta con phuong phép chia nho
khéi da dién thanh nhimng da dién nho ma dé dang tinh toan. Sau d6
cong lai.
. Ta thudng dung ti s6 thé tich khi diém chia doan theo ti 1¢.
4. Tinh chit ciia hinh chép déu
. Ddy la da gidc déu (hinh chop tam giac déu c6 day 1a tam giac
hinh chép tir gidc déu c6 day 1a hinh vudng).
. Chén dwong cao triing véi tim dwong tron ngogi tiép da gidc ddy
. Cdc mdt bén la nhitng tam gidc cén va biang nhau.
. Géc giita cdc canh bén va mdt ddy déu bing nhau.
. Géc giita cdc mit bén va mat ddy déu bang nhau.

5. Ttk dién déu va bat dién déu:

. Tt dién déu 13 hinh chép co tit ca cac mat 1a nhirng tam giac déu bang nhau.

dinh chung cua bon tam giac déu. Tam mat 1a cac tam giac déu va bang nhau.

dién déu.

. Bat dién déu 1a hinh gdm hai hinh chop ti gidc déu ghép tring khit hai day voi nhau. Mdi dinh ciia n6 1a

Néu nbi trung diém cua hinh tir dién déu hodc tAim cic mit cia hinh 1ap phuong ta s€ thu dugc mot hinh bat

déu,
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km,' RS
Hinh liing tru ding va hinh ling tru déu:

. Hinh ling tru diéng 1a hinh ling tru ¢6 cac canh bén vudng goc voi mat phang day. Do d6 cac mat bén
ctia hinh lang tru démg 1a cac hinh chit nhat va nam trong mit phiang vudng goc voi mit phang day.

. Hinh ling tru déu 13 hinh ling tru dimg c6 day 1a da giac déu.

V

XAC PINH CHIEU CAO THUONG GAP

a) Hinh cho6p c6 mot canh
bén vudng géc véi day:
Chiéu cao cua hinh chop 1a
d6 dai canh bén vuong goc
voi day.

Vi du: Hinh chop S.ABC' c6 canh bén
SA vuong goc véi mat phang day, tirc
SA 1 (ABC) thi chiéu cao ciia hinh
chop la SA.

S

b) Hinh chép c6 1 mat
bén vudng goc véi mat
day: Chiéu cao cta hinh
chop 1a chiéu cao cua tam
giac chua trong mat bén
vuong goc voi day.

Vi du: Hinh chop S.ABCD c6 mat
bén (SAB) vudng goéc voi mat
phang day (ABCD) thi chiéu cao
cta hinh chép 14 SH 1a chiéu cao
cua ASAB.

¢) Hinh chép c6 2 mat bén
vudng goc voi mat day:
Chiéu cao cta hinh chép la
giao tuyén ctia hai mit bén
cung vudng goéc voi mat
phing day.

Vi du: Hinh chop S.ABCD c6 hai
mat bén (SAB) va (SAD) cung
vudng goc voi mat day (ABCD)
thi chiéu cao cua hinh chép 1a SA.

d) Hinh chép déu:

Chiéu cao cua hinh chop 1a
doan thang ndi dinh va tam
ctia day. D6i v6i hinh chop

Vi_du: Hinh chép déu
S.ABCD c6 tam da giac day
la giao diém cua hai duong
chéo hinh vuong ABCD thi

déu day 1 tam giac thi tdm | c6 duong cao 1a SO.
la trong tdm G cua tam giac

deéeu.

DIEN TiCH CUA MOQT SO HINH THUONG GAP

[l Dién tich tam giac thwong: Cho tam giac ABC va dat AB=c¢, BC =a, CA=0b va

a+b+c o . o o ,
=———"nuachuvi. Goi R, r lan lugt lIa ban kinh dudong tron ngoai ti€p va ndi ti€p cua tam giac

ABC. Khi d6:

Lon =Lon =Len
2 7 2 2

= 1absinC’ = lbcsinA = lacsinB
* Saape = 2b 2 2
abc
=R
= \/P(P—a)(p—b)(p—C), (Héron)

p.r
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am gidc vuong — 5 *(tich hai canh g6c vuong).
_(canh huyén)®
* Stam gidc vuong can 4 :
(canh)z.\/g s R canh.\/g
* Sumggcan ————— = Chiu cao tam gidc déu = -
") Shinh chitnhat = dai X 1ONg va Shinh vuong = (canh)?.
(day 16n + ddy bé)- (chiéu cao)
D Shinh thang = 2 :
0 __ Tich hai dudng chéo =3 _ Tich 2 duong chéo

TG gidc c6 2 dudng chéo vuong géc ~ 2 hinh thoi 2

HE THUC LUQNG TRONG TAM GIAC

1. Hé thirc lwong trong tam giac vuong
Cho AABC vuong tai A, ¢c6 AH la duong cao, AM Ila trung tuyén. Khi do:

x BC® = AB> + AC” (Pitago), AH.BC = AB.AC.
« AB* = BH-BC va AC> = CH - CB.

A
1 1 1
* = + va AH® = HB-HC.
AH® AB*  AC?
x BC =2AM.
1 1
# Syupe =5 AB-AC = AH-BC.
2. Hé thirc lwong trong tam gidc thuong L
Cho AABC va B g M ¢
AB=c¢, BC—a, CA—b, p— %b” (nita chu  vi).
Goi R, r lan luot 1 ban kinh duong tron ngoai tiép va noi tiép tam giac ABC. Khi do:
+ Pinh Iy ham sin: —%— =" ___ ¢ _op
sinA sinB sinC A
o~ ~ 2 2 2
ea’=b"+c —2bccosA = cosA = Lk s
, 2()20 , C b
* Dinh Iy ham cos: 1« 0> = o’ + ¢ —2accosB = cos B = a+20—_b-
ac a
~ ~ 2 2_ 2 B C
-02:a2+b2—2abcosC:>cosC:M M
2ab
2 2 2
AN — AB"+AC”  BC
2 2 2 42
s« Cong thirc trung tuyén: {+ BN? = BA ;BO - Af :
oo CA+CB AP
2 4 y
. MN | BO =AM _ AN _MN _ /\
AB AC BC M N

+ Pinh ly Thales: 2 .
. SAAMN — [AM] — /{32 /
SAABC AB B Pa
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1. Canh bén vuéng goc véi day

Caul. (Mai 105 2017) Cho khéi chép S.ABCD c6 day 1a hinh vudng canh a, SA vudng goc voi day va

khoang cach tir A dén mit phang (SBC ) bang %. Tinh thé tich ciia khéi chop di cho.
3 3
AL B. &’ p. L
3 2

Chon A

Tacd BC L AB,BC LSA= BC L AH.Ké AH 1 SB= AH 1 (SBC).

Suy ra d(A;(SBC)) = AH :#.
. A . 1 1 1
Tam giac SAB vuong tai A co: s=——F+——5=>5A=a.
AH® SA° AB
. 1 a’
Vay Voo ZESA'SABCD 3

Cau2. (Ma 110 2017) Cho khdi chop S.ABCD co ddy ABCD 1a hinh chit nhat, AB=a, ADza\/g ,
SA vudng goc voi mit phang day va mit phing (SBC ) tao voi day mot goc 60° . Tinh thé tich V
ctia khéi chép S.ABCD .

3 3
_V3a C.V=4 p.r=2L
3 3

Loi giai

AV =3d B.V

Chon.C

Tacod S,z0p = NEYS
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Cau 3.

TAI LIEU ON THI THPTQG 2021
(SBC)N\(ABCD)=BC
Vi {BC LSBc(SBC) = ((SBC),(4BCD))=(SB; AB) = SBA.
BC 1L AB < (ABCD)

Vay SBA =60
. < A . o S .
Xét tam gidc vudng SAB co: tan 60° = B — S4 = AB.tan 60° = a3
1 1
V&Y Vianen =5 Sunco-SA = gaz 3av3=d’.

(Ma 123 2017) Cho hinh chop S.ABCD c6 day 1a hinh vudng canh 4, S4 vudng goc véi day,
SC tao v6i mit phing (SAB) mot géc 30° . Tinh thé tich khéi chép S.ABCD

3 3 3
A2 g, Y20 ¢, Yoa D. 24°
3 3 3
Loi giai
B C
+) Do ABCD 1 hinh vudng canh anén: S,, ., =a’
+) Chimg minh duge BC L (SAB)= géc gitra SC va (SAB) 1a CSB = 30",
+)Pit SA=x = SB=+/x"+a" . Tam giac SBC vuong tai B nén tan CSA tan 30" = \/1_ ]:1(3:
Ta duoc: SB:BC\/§<:>\/x2 @ =a3 = x=a\2.
1

Vay Vipep = 3 SA Sapcp = \/E \/_a (Dvtt)

(Chuyén Vinh Phuc 2019) Cho hinh chop S.4ABC c6 day la tam gidc vudng can tai C, canh bén
3

SA vudng goc véi mat day, biét AB =4a,SB = 6a. Thé tich khéi chop S.ABC 1a V. Ty sb ;—V 1a

A Y g Y3 c. 5 p. 35
80 40 20 80
Loi giai
Chon B
Ta co:
+ AABC vuong can tai C,AB =4a suyra
AC = BC =2aV2.
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Do do: S, = %AC.BC =4a’.

+ SA L(ABC)= SA L AB=> AABC vudng tai 4

SA=SB> -~ AB* =/(6a)’ —(4a)’ =2a /5.

+Khbi chop S.ABC ¢6 SA4 L (ABC)

3
=V = %SABC.SA :§4a2.2af = 833‘/5
3 3
Véytysé:a—:a—zﬁ.
3V 3825 40
3

(Chuyén Bic Giang 2019) Cho hinh chop tam giac S.4BC c¢6 day ABC la tam giac vudng tai
B, AB=a, A/C\B =60°, car}h bén S4 vuong géc voi mat day va SB hop vdi mat day mot goc
45°. Tinh the tich V' cua khoi chop S.ABC.

3 3 3 3
A.V:‘“E B,y =@ V3 c.v=2 p.y a3
18 12 243 9
Loi giai
Chon A
6‘
]
AN C
-9
B
ABC latam giac vuodng tai B, AB=a, ZC\B:60°:>BC=A—BO=£a
tan 60 3
(SB,(ABC)) =(SB, AB)=45" nén tam giac SAB vudng cantai S = SA=AB=a
1 11 1 B B
VSAABC ZESAABC'SA ZEEBABCSA =ga.a7a = 13

(Lwong Thé Vinh Ha Ngi Niam 2019) Cho hinh chép S.4BCD c¢6 day ABCD la hinh chit nhat
AB=a va AD =2a, canh bén SA4 vudng goc véi day. Tinh the tich V' cta khoi chop S.ABCD
biét goc giita hai mét phang (SBD) va (ABCD) bang 60°.

3 3 3 3
A.V:‘“/E B.V=‘“/E g.V=4‘“/E D.V=‘“/E
15 6 15 3
Loi giai
Chon C
Ké AE 1 BD

((W)) — SEA=60°

Xét AABD vuong tai A
AD.AB 24> 2a\5
Jap? 4 a5 5

Xét ASAE vudng tai A

AE =
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SA = AE.tan 60° =

TAI LIEU ON THI THPTQG 2021

2(1\/7 \/* 2a\/_

Khi d6 thé tich S. ABCD

1

V ==84.5 =—.
3 ABCD =73

(Hoang Hoa

1 2af 2 4a3\15
5 15

Thiam 2019) Cho hinh chép S.ABCD c6 AB=53,BC =33, goc

BAD=BCD=90°, SA=9 vi SA vudng goc véi day. Biét thé tich khdi chop S.ABCD bing
66+/3 , tinh cotang clia goc giita mdt phing (SBD) va mat day.

s
D
B
C
A. 20+/273 . B. ﬂ C. 34273 _ D. 9\/_
819 9 20 —9
Loi giai
Ay
D
B
C
, 1
Co: Vs ipep = g SAS ypep < 66[ S cp = Sapep = 44\/§

Suy ra %AB.AD +%BC.CD = 44\/3 & 54D +3CD =44 (1)

Ap dung dinh 1i Pitago trong 2 tam giac vudng ABD; BCD , ta co:

AB* + AD?

=BD’ = BC? +CD* < CD* — AD* =48 (2)

AD =4

Tu (1) va (2) suy ra
va@suyra| 47

AD :4—27 khong thoa man do tir (1) ta c6: AD < %2 AD=4.

Trong tam giac A4BD, dung AH 1 BD laicé SA L BD= BD | SH .
Vay goc gilta (SBD) va day 1a goc SHA .
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D& tinh BD =+/91, AH =

AB.AD _ 20\/7 cot SEI1 < A _ 203273 .
BD 9 'S4 819
Cau8. (THPT Yén Khanh - Ninh Binh - 2019) Cho hinh chép S.4BC c6 day ABC la tam giac déu,
S4 1 (ABC ) Mit phang (SBC ) cach A mot khoang bang a va hop v6i mit phang (ABC ) gbc
30". Thé tich ctia khdi chop S.4BC bing

8a° B. 8L C NEYS 4q°

A —. . . .
-9 3 12 9
Loi giai

Goi / 1a trung diém sta BC suy ra goc gitta mp (SBC) va mp(4BC) la SIA=30".
H 1a hinh chiéu vudng goc ctia A trén SI suy ra d(A,(SBC)) =A4AH =a.

AH

Xét tam giac AHI vudngtai H suyra Al =——=2a.

sin30

2 o aa , N \ NP 3 4a
Gia str tam giac déu ABC c¢6 canh bang x, ma Al 1a duong cao suy ra 2a = XT =>x= E
4 2
Dién tich tam giac déu 4BC 1a S, = \/_ 2 \/_
JE 4 3

Xét tam gidc SAI vudng tai A suyra SA= Al.tan30° = Z—\E.

144°\3 20 _8d

373 3 9

Ciau 9. Cho khéi chop S.ABCD c6 ddy ABCD 1a hinh vudng canh «. Hai mit phing (SAB) va (SAD)
cling vudng goc vé6i day. Tinh thé tich khdi chop S.ABCD biét rang SC = a3 .

a3 3\/5 a3\/§

A' VSAABCD = 613 : B VS ABCD ? : C VS ABCD — 3 : D VS ABCD —

A 1
Vay Vs pc = 3 =8 iy SA=

Loi giai

Chon B
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TAI LIEU ON THI THPTQG 2021
Vi hai mit phing (SAB) va (SAD) cung vuong goc voi day. Ma (SAB) ﬁ(SAD) =S4 nén
SA L (ABCD).

Tacd: AC=a2; SA=~/SC? - AC> =\/(a\/§)2—(a\/§)2 —a.

1 1 a
ESA‘SABCD 250.612 :?_

Thé tich khéi chop S.4ABCD la:

Vs.asep =
Cho hinh chop S.4ABC co6 day la tam gidc ABC vudng tai C, AB=2a, AC=a va SA vudng
goc voi mit phing (4BC). Biét goc gitta hai mat phing (S4B) va (SBC) bang 60°. Tinh thé
tich cua khoi chop S.4BC.

3 3 3 3
A.“\E. B.“\/g. c.“\/g. D.‘“/E.
6 =12 4 2
Loi gidi
Chon B
s

Trong AABCké CH 1 AB = CH L (SAB) = CH 1 SB(1).

BC=+AB> - AC* =a\3,

BH.BA=BC?,
3a | — ax/g
:>BH=7, CH =<BC"-BH ZT.
Trong ASAB ké HK 1 SB = CK 1 SB(2).
Tu (1),(2) = HK L SB .
Géc gitra hai mat phang (S4B) va (SBC) la CKH =60°.

Trong vudng ACKH ¢ HK = CH.cot60° =<, BK =~ BH* ~HK” = a+/2 .

2
ASAB > AHKB(g.g) nén 24 -AB _ 24 _ g, @
HK BK a2 2
7 1 1 a 1 a6
Thé tich hinh chép S.4BC 1a V == SA. =2 —aBa=
P L R DN S) 12
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Cau 11.

Cau 12.

Cho khéi chép S.ABC c¢6 ddy ABC 1a tam gidc can tai 4 véi BC=2a, BAC =120°, biét
SA L (ABC) vamat (SBC) hop vdi day mét goc 45°. Tinh thé tich khoi chop S.4ABC.

3 3 3

a 5 a a
A —. B. a’\2. C. =, D. = .
2 =9 3
Loi giai
Chen C

> Goi I 1a trung diém BC.
+ Do AABC cantai 4 nén BC 1 Al
+ Mt khac do S4 L (4BC)=> BC L S4

Suy ra BC L ST.
Do d6 géc giita (SBC) va day chinh la goc SIA =45°.

» Xét AAIB vudngtai [ c6 IB=a, IAB=60°,suyra IA= =i.
tan60° /3
ASAI vuongtai A c6 1A= i, SIA = 45° nén ASAI vuong can tai 4,do d6 SA=14= & .
g J
11 @

> Thé tich ctia khdi chop S.ABCla V = %SAABC.SA =37 BC.AISA = 5

(Bac Liéu — Ninh Binh) Cho hinh chép S.ABCD c6 ddy ABCD la hinh cht nhat c6 4B=a,
AD =2a; SA vudng goc v4i day, khoang cach tir 4 dén (SCD) bang %. Tinh thé tich ctia khdi

chop theo a.
A. ﬂas. B. ﬂas. C. ﬁas. D. ﬁas.
45 15 15 45
Loi giai
Chen A

Goi H 1a hinh chiéu vudng goc cua diém A trén duong thang SD. Ta co
{AH 1 SD

= AH L (SCD)= AH =d(4,(SCD)). Suy ra AH ="
AH 1 CD 2
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Cau 13.

Cau 14.

TAI LIEU ON THI THPTQG 2021

ASAD vudng tai 4 c6 dudng cao AH nén
1 1 1 1 1 [ CI 2415

=+ &—= - = =

AH® SA*> AD*  SA> AH® AD® 44’ 15
2a315 415

2a. = a.

15 45
(Cum lién trwong Hai Phong- 2019) Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vuong
canh a, SA vudng goc véi day ABCD, géc giita hai mit phang (SBD) va ABCD bing 60°. Goi
M , N lan luot 1a trung diém cia SB,SC . Tinh thé tich khéi chop S.ADNM .

a3\/g a3\/g 3a3\/8 D a3\/g

AV = . B.V= . C.V= . V= s

Vay V = %AB.AD.SA = %a.

= 16 24 16
Loi giai

Chon A

Goi O=ACNBD.
AO 1L BD = SO 1 BD . Nén géc ctia (SBD) va ABCD 1a géc SO4=60".
1 1 11 1

Vs apn = E-VSADC = Z-VSABCD va Vs an = 5 B Vs ape = gVSAABCD'

3
= Vs aomv =Vs.aon Vs aun = gVS.ABCD'
— 3
SA = A0.tan SOA :%tanw = a26 Vs.ascp = %SABCD-SA =2 g/g -
~y 23 a’\6 @ J6
sADMN =g ¢ 6

(Chuyén Lé Quy Pén Pién Bién 2019) Cho khi chop S.ABCD c6 day 1a hinh vuong canh a,

SA vuéng gbc véi ddy va khoang cach tir C dén mit phing (SBD) bang #. Tinh thé tich ¥

ctia khéi chép da cho.
3 3
Av==L, p.y -3
2 9
Chon C
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Cau 15.

Cau 16.

Goi O=ACNBD, goi H 1a hinh chiéu cia 4 1én SO.

Vi O la trung diém ciia AC nén d(C,(SBD))=d(4,(SBD))
Tacé: BD L AC; BD L SA=> BD 1 (SAC)=>(SBD) L(SAC);
SO =(SAC)(SBD)

AH 1 SO = AH 1 (SBD)= AH =d(A,(SBD))=d(C,(SBD))= "‘f
Tacd: A0 = a\/E‘
2
Trong tam giac SAO: I _ 1 + ! =S4=a
glame "AH?  SA>  AO0? -
1 3
VSABCD = E'SABCD'SA = % .

(Bim Son - Thanh Héa - 2019) Cho hinh chop S.ABCD cé day la hinh vuong canh @, S4 vuéng
gbe v6i mit ddy, SD tao véi mat phang (S4B)mot goc bang 30°. Tinh thé tich ¥ clia khéi chép

S.4BCD.

3 3 3
AV =3, _.Vzﬁ“ . c. v =Y D.Vz‘/ia .
Chon B

Ta c6 hinh chop S.ABCD c6 day la hinh vudng canh, SA vuéng goc voi mat day nén DA | AB va
DA 1S4 .Suyra DA L (SAB) . Vay goc giita SD va mit phang (SAB) la DSA=30°.
Tacé SA=AD.cot30°= a3
I I V3
—a .

V :g‘SA'SABCD ZE.CZ 3.612 = 3
(Thpt Vinh Loc - Thanh Héa 2019) Cho hinh chop S.ABCD c6 ddy ABCD la hinh thoi, goc
BAD béng 120°, AB = a. Hai mit phing (SAB) va (SAD) clng vudng gbc voi day. Goc giita
(SBC) va mit phing déy la 60°. Tinh thé tich ¥ cta chép S.ABCD .
3 3 3
A.V:z‘“/g. B. V=2, g.V:“*ﬁ.
15 12 4

Loi giai

V:CNB.
12

D.

Chon C
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Caul.

TAI LIEU ON THI THPTQG 2021

D I c

Vi hai mit phang (SAB) va (SAD) cung vudng goc voi day nén SA L mp (ABCD) .

a3
2

Ta c6 tam giac ABC déu canh a, goi I 1a trung diém ciia BC khi d6: Al =

Va gbc gitta (SBC) va mit phing day 1a SI4 = 60"
Xét tam gide SAI ta c6: 24 = tan(@) = 54 = Al'tan(60") = 54 = 3a.
Al 2

N
! |

2

Ta c6 dién tich ddy ABCD1a: S ;0 =28 5 = 2(% AI.BCJ =

2 3
Thé tich cita chép S.4BCD 1a:¥ =§SA.SABCD %3; - 2[ f-

(THPT Viét Pirc Ha Noi 2019) Cho h1nh chop S.ABCD c6 day ABCD la hinh vuong canh a,
mat bén S4B 1a tam giac can tai S va nam trong mat phang vuong goc voi day; goc gitta SC va

mit phang day bang 45° . Tinh thé tich khdi chop S.4BCD bang:
3 3 3 3
a3 B, <3 c. a5 D. 2 /5

12 6

Chon D

Goi H la trung diém cia AB, ASAB cantai S = SH f AB
(S4B) L (ABCD)

(SAB)(ABCD) = AB ;= SH L (ABCD)

SH < (SAB);SH L AB

(E@BC\D)) — SCH = 45° = ASHC vuong can tai H
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2
— SH = HC =~/BC* + BH’ :1’a2+% =§; S pep = AB> = d’

1 1 ,al5 &5

E'SABCD'SH =§a 'T: 6

(THPT Thiéu Hoéa — Thanh Héa -2019) Cho hinh choép S.ABCD c¢6 ddy ABCD la hinh chit
nhéat, tam giac S4B 1a tam giac déu canh a va nam trong mat phang vuong goc voi day. Mat
phing (SCD) tao véi ddy géc 30°. Thé tich khdi chop S.ABCD 1a?

= Vs apep =

3 3 3 3
A.a\/g B.a\/g C.a\/g D.Sa\/g
- 4 2 36 36

Loi giai
Chon A

Goi H, K lan luot 1a trung diém AB va CD.
Suy ra SH L (ABCD) va ((m)) = SKH =30°.
SH av3 1 3a

Xét ASHK vudng tai H,co HK = ===
tan 30° 2 3 2

R 1 1 a3 3a a3
Vay VS.ABCD ZESH'SABCD 25.7.0.72 ) .
(THPT Nguyén Khuyén 2019) Cho hinh chop tir giac S.ABCD c6 day ABCD 1a hinh vudng
canh bing v/2a. Tam gidc SAD can tai S va mit bén (SAD) vudng goc v6i mit phang day. Biét

W . .4 , q
thé tich khoi chép S.ABCD bang §a3 . Tinh khodng cach h tir B dén mat phang (SCD).

A.hzia B.hzia C.h=2\/§a D.hzﬁa
3 2 5 3
Loi giai
Chon A
Goi H la trung diém ctia AD . Nén SH 1| AD ¢
(SAD) L (A4BCD)
(SAD)N(ABCD)=AD = SH 1 (ABCD) |
AD 1 SH
Taco: S, =24’ T /B B
3
3.4a i
= SH = 3V = 2?=2a D’ C
a

Goi 7 1a hinh chiéu cia H Ién SD
d(B;(SCD))=d(4;(SCD))=2d (H;(SCD)) = 2IH
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SH.HD

TAI LIEU ON THI THPTQG 2021

SH.HD )

Ma IH =

R

Vay d(B;(SCD))zia

= =—Aa
3

(Pé Minh Hoa 2017) Cho hinh chop tt gidc S.ABCD c6 day 1a hinh vudng canh bang V2a.
Tam gidc SAD can tai S va mit bén (S4D) vudng goc véi mit phang ddy. Biét thé tich khéi

chop S.ABCD bang gcf . Tinh khoang cach 4 tr B dén mit phang (SCD)

A.hzéa B.hzga C.hzia D.h=§a
4 3 3 3
Loi giai
Chen C 7
Goi / la trung diém ctia AD . Tam giac SAD can tai S SK
=8I 1L AD / \\\\
SI L AD ERN N
Ta c6 = SI 1L (ABCD) £ Y% g
(SAD) L (ABCD) AN g
= 81 1a dudng cao ctia hinh chép. / \ \\\\
Theo gia thiét T . ———— > B
1 4, 1o, Boil s
Ve isen = 3 —.SI.S pop & :§SI.2a < SI=2a | \
J‘u’l \
Vi AB song song véi (SCD) D &

= d(B.(SCD))=d(4,(SCD))=2d(1,(SCD))
Goi H 1a hinh chiéu vuong goc cua I 1én SD .

1 DC

S
Mat khac =
ID 1 DC

Xét tam giac SID vuodng tai [ :

IH L SD
IH 1. DC.Taco { = IH 1 (SCD)=d(I,(SCD))=1H
IH 1 DC
11 1 4 2a

=—+ = + =IH=—
IH* SI* ID* 4a° 24a° 3

= d(B,(SCD))=d(4,(SCD))=2d(1,(SCD))=—

(Gia Binh 2019) Cho hinh chép S.4BCD c6 day ABCD la hinh vuéng va tam giac SAB déu
nam trong mit phang vudng goc véi day. Biét khoang cich giira hai duong thing S4 va BD bing

J21. Hay cho biét canh d4y bang bao nhiéu?

B. 21 C. 73 D. 7
Loi giai

A. V21

Chon D

# :
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Cau 6.

Giasit 4B =a.Goi H latrung diém cua AB = SH L AB=> SH 1 (ABCD)
Taco
SA4.BD = (SH + HA) (BA+ BC) = HABA=a’
2.cos(§21,§5) :la2 = cos(@,?):L: sin(SA,BD) = \/z
2 22 8
1 1a3 , 3, NERR
— a =—-a a
2 6

S SH.ABAD =~ = Vo =1

VSABCD =

@éSABDdSABD s1n(SABD)—§a @— ff\f__a sa=7

(THPT Minh Khai Ha Tinh 2019) Cho hinh chop S.ABCD c6 day ABCD la hinh thang vuong

. 1 ) 3 . . )
tai A va B, BC= EAD =a.Tam giac SAB d€u va nam trong mat phang vuong goc vdi day, goc

gitta SC va mat phing (ABCD) bang a sao cho tana = @ Tinh thé tich khdi chop S.4CD

theo a.

3 3 3 3
a a a2 @3
A Vs yep :?- B. Vs scn :?- C.Vsuep = 6 D. Vs op= 6

Loi giai

—

Goi H la trung diém AB, tir gia thiét ta c6: SH L (ABCD), (SC,(ABCD))=SCH =a.

2 2
bat AB=x,tacoé: HC = BH* + BC”? :1/x—+a2, SH=HC.tana=J%+a2.g.
Mait khéac SH—— Vay ta co: ,/ +a’ \/_ i S x=a.

AD+BC).AB 34’ 1 a’\3
S sep = % T’SACD 3S aZ;I/SACD 3SHSACD:—‘

ABCD
(THPT Gang Thép Thai Nguyén 2019) Cho hinh chop S.4BCD c6 day la hinh chir nhat;
AB=a;AD =2a. Tam gidic SAB cin tai S va nim trong mit phing vudng goc véi day. Goc
gitta dudng thang SC va mp(ABCD) bing 45°. Goi M la trung diém cta SD . Tinh theo a
khoang cach d tir diém M dén (SAC).

A.d:a\/1513' B.dZZax/l?alS_ C.d:a\/1315' p. g2 2aV1513
= 89 89 89 89
Loi giai
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TAI LIEU ON THI THPTQG 2021

Goi H la trung diém doan AB = SH 1 (ABCD).

2
Xét aBCH vudng tai B, cod: CH =, [4a’ +% = a\éﬁ )

1 4
Xét aASHC vuong can tai H,co: SH = a ) 7 ;Sng.
2 2
Xét aSAH vuongtai H,co: SA= 174a % =¥a .
Xét aABC vuédng tai B, co: AC =a’>+4a’ =a/5.
V89
S, sac :Ta .
, 1 a3\/ﬁ 1 a3\/ﬁ
Taco: Vs ypep =V =5 SH.S pep =———3 Vsuer =5V = .
3 3 2 6
1 a7 1 J89 a1513
Vs acm :5 5.4CD :T- Ma Vs e :g'd'SASAC :Ta d=d= g9

Cau8. (S& Bic Giang 2019) Cho hinh chép S.ABC c6 ddy ABC la tam gidc vuodng tai 4. Hinh chiéu
ciia S 1én mit phing (ABC) 1a trung diém H cua BC, AB=a, AC =a\3 , SB= a2 . Thé
tich cua khoi chop S.ABC bing

3 3 3 3
A.aﬁ. B.aﬁ. c.aﬁ. D.a\/g.
2 2 = 6 6

Loi giai

B

2
Xét tam gidc ABC vudng tai A c6: BC =~ AB*+ AC* =,|a’ +(ax/§) =2a.

H 1a trung diém ctia BC nén BH =a.
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Cau 10.

2
Xét tam gidc SBH vuong tai H co6: SH =+/SB* — HB’ :,[(ax/i) -a’=a.

Dién tich ddy ABC la: S, = %AB.AC = %a%/? .

3
Thé tich cua khéi chop S.4BC 1a: V = %SH.SABC - %.a.%.azf ~ % .

(Cum Lién Truwomng Hai Phong 2019) Cho hinh chop S.ABCD c6 ddy ABCD la hinh chit nhat,
mit bén SAD 1a tam giac vuodng tai S. Hinh chiéu vudng goc cia S trén mat phang day 1a diém
H thudc canh AD sao cho HA=3HD . Biét ring SA= 2a+/3 va SC tao v4i day mot goc bang
30°. Tinh theo a thé tich ¥ cua khdi chop S.ABCD .

3 3
A V=8J6a. g.V:S\Ea . C. V=824 D.V:8\/9ga .
Loi giai
s
D I A
’ tan SDH =——=1/3 o o —
Co: o :>S—D:\/§:>SD:T:2a:>DA: SD* +SA4* =4a .
tan SDH — 24 3
1
DH=—-DA=a.
4
Tam giac SHC ¢6 tanﬁ:S—Hétan30°:S—H:>HC: SH =3a.
HC HC tan 30°

Tam gidc DHC ¢6 DC =~/ DH* + HC* =22a
3
Vay Vs pep = %SH.AD.DC = %.\/ga.4a.2\/§a = 8@“
(THPT Viét DPire Ha Noi 2019) Cho hinh chop S.ABCD c6 day 1a hinh thang vudng tai 4 va
D, AB=AD =a, CD =2a . Hinh chiéu cia dinh S 1én mit (ABCD) trung véi trung diém cua
3

BD. Biét thé tich ttr dién SBCD bing ~—=. Khoéng céch tir dinh 4 dén mt phing (SBC) 1a?

J6
A. a3 B. a2 C. a3 D. a6
2 6 6 = 4
Léi giai
Chon D
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Cau 11.

TAI LIEU ON THI THPTQG 2021

4 B
Goi M 1a trung diém cta CD thita c6 4BMD 1a hinh vudng canh a do d6
BC =BD = a2 = CD* = 44> = BC* + BD* do d6 tam gidc BCD vudng can tai B .
Goi H la trung diém cta BD thi SH 1 (ABCD).

6.4
Khi o ¥y ,0p = SH. L BD.BC = St =0 =¥.
a

S.BCD 3 > >
Ha HI 1L SB.
Vi ABMD 1a hinh vuéng nén H la trung diém cia AM vatacd AMCB 1a hinh binh hanh do do
AH//BC = d(4;(SBC))=d (H;(SBC))=HI .

11 1 4 2 8 a6 a6

2: 2+ 2: 2+—2=—2:HI: .

HI© SH® HB™ 6a”° a 3a 4 4

(THPT Lé Quy Pon Pién Bién 2019) Hinh chop S.ABCD c6 day ABCD la vudng canh a,
hinh chiéu vuéng géc ctia S trén mit phing (4BCD) tring véi trung diém cia canh AD; goi M

Khi do

hay d (4;(SBC))=

1a trung diém cta CD; canh bén SB hop véi day goc 60 . Tinh theo a thé tich cua khéi chop
S.ABM .

3 3 3 3
A V15 B. ¢ V15 c. 2 V15 D. a 15
3 6 4 12
Loi giai
Chon D
. 1 1
Taco S,z ZESABCD =5a2.

Goi I 1a hinh chiéu vudng goc ciia S trén mit phang (ABCD)

2
IB =~IA* + AB? = /(%) tqt = “25
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Ta c6 IB 1a hinh chiéu vudng goc cua SB 1én mp(ABCD)=> (SB,(ABCD))=(SB,IB) =60’

a~'15
2

1 1 a\/g a’ a3\/g
:>VS.ABM :E'SI‘SAABM ZE. 5 .72 B .

Ciu 12. (HSG Bic Ninh 2019) Cho hinh chép S.4BC c6 ddy ABC la tam giac déu canh a . Hinh chiéu

Tacod SI = IB.tan60 =

vudng goc ciia S trén day 1a diém H trén canh AC sao cho AH =§AC ; mat phang (SBC ) tao

véi day mot goc 60° . Thé tich khéi chép S.ABC 1a?

3 3 3 3
a3 B.‘“/5 C.C”/5 D.‘“/5
12 = 748 36 24

Loi giai

A.

Goi M 1a trung diém ciia BC.

NeCM:C—N:C—H—l = HN//IAM . Ma

CM CA 3
AABC déunén AM | BC = HN L BC = BC L(SHN).

Nén (SBC);(ABC)=SN; HN = SNH = 60°.

a\/g 1 a\/g

Do AABC déunén AM = = HN == AM = )

2 3 6

ASHN vuéng tai H ¢6 SH = HN.sin SNH =$.sin 60° =%.
1 l a az\/g a3\/§

VS.ABCZESH‘SABCZE‘Z‘ 4 = 48 .

Céau 13. Cho hinh chop S.ABC c6 day ABC la tam giac vuéng tai 4 vacé AB=a, BC = a3 Mat bén
(SAB) 1a tam giac déu va nam trong mit phang vudng goéc voi mit phang (ABC ) Tinh theo a
thé tich ciia khdi chop S.4BC.

3 3 3 3
A.V:“f. g.V:“l*f. C.V=2“3*@ D.V:“f.

Loi giai

Chon B.

Goi H latrung diém cta canh AB . Do ASAB déunén SH 1 AB

(S4B) 1 (4BC) i Sa )
(SAB)(ABC)=AB = SH L (A4BC)

SH —(SAB),SH L AB = ,g’.f . 4 ) f:f' - L, &
Vay SH la chiéu cao cua khoi chép S.ABC. ""\_éf'_/,/- —

AABC vudng tai A,tacod: AC=~/BC* - AB* = ,[(ax/g)z —a’=a\2 -

S o = %AB.AC = %.a.a 2 = “zf , SH = %

a’2 ax/g_a3x/g

2 I . 1 1
The tich khoi chop S.ABC la: V . =§.SABC.SH =§ 5 5 =
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Cau 14.

Cau 15.

TAI LIEU ON THI THPTQG 2021
Cho hinh chop S.ABC c6 day ABC 1a tam giac vudngtai 4 vacd AB=a, BC= a3. Mait bén
SAB 13 tam giac déu va nam trong mat phiang vudng goc voi mit phang (ABC ) Tinh theo a thé
tich cta khdi chop S.4BC.

3 3 3 3
A.V:"ﬁ. B.V:a\/g. C.V:‘“/g. D.V:“‘/g.
12 4 8 6
Loi giai
Chon A
s
ao-+ c
H
B
2
Xét tam giac ABC vudng tai 4 ,tacod: AC =~/ BC* — AB :1,(61\/?) —d’ =a2.
2
Dién tich tam gidc ABC 1a: S ;. :%.AB.AC :%.a.ax/z =2 ;/5 .

Goi H l1a trung diém doan AB thi SH L AB. Vi (SAB) L (ABC) va (SAB)N(ABC)= AB nén
SH 1. (ABC).Suyra SH 1a chiéu cao cua khdi chép S.4BC.

a3

Tam gidc SAH vuong tai H nén SH = SA.sin SAH = a.sin 60° = —

2 3
Thé tich khéi chép S.ABC la: V = %.SABC.SH = % a : 2 .“*25 = “1*26 .

(THPT Minh Khai - 1dn 1) Cho hinh chép S.4BCD c6 day ABCD la hinh thang vudng tai 4

va B, BC= %AD =q. Tam gidc SAB déu va nam trong mit phang vudng goc véi day; goc giita

J15

SC va mit phang (ABCD) bing a sao cho tana = = Tinh thé tich khdi chop S.ACD theo

a
3 3 3 3
a a a \/E a \/g
A Vs 4en :7~ B. Vs icp :?~ C. Vs.acp :T~ D. Vs 4ep :T-
Loi giai
Chon D
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Cau 16.

Cau 17.

Pit AB=x>0,goi M,N lan luot la trung diém AB, AD.
Tam gidc SAB déu nam trong mit phang vudng goc voi ddy nén SM chinh 1a duong cao cia

x\/§ x°

hinh chép S.ABCD va BM =§,SM == M = @’ +

. 5 5 N
Goc gitta SC va mit phang (4BCD) bang a sao cho tana :TS suy ra
/ 2
&zijSMz =§CM2 :>§)c2 _3 i+ |=x=a
CM 5 5 4 5 4
D& thay ABCN 14 hinh vuéngnén CN =a= S, ., = %AD.CN =a’

1 1 a3 2_a3\/§

Véy VS.ACD ZESM‘SAACD :E' 5 .a 6
(Chuyén - Vinh Phic 2019) Cho hinh chop S.ABC c6 day la tam giac cantai 4, AB=AC=a,

BAC =120°. Tam gidc SAB 1a tam giac déu va nam trong mit phang vudng goc v6i mit day.
Tinh the tich V' cua khoi chop S.4BC.

3 3

A.V:%. B.V=d. C.V:%. D.V=2d".
Loi giai
Chon A

Goi H la trung diém doan AB = SH | AB ( vi tam gidc SAB la tam giac déu).
(S4B) L (4BC)
(SAB)N(ABC)=AB = SH L(ABC).
SH = (SAB);SH L AB

Nhan thdy ASAB 1a tam giac déu canh a = SH = #
2
S e = %AB.AC. sin120° = #.
1 1 a\/g az\/g a’

Vay thé tich khdi chop S.ABC 1a: V., .. =—SH.S, . .=—. . ==
ay P s.apc =3 mpe =3 4 g

Cho hinh chdp S.ABCD c6 ddy ABCDIa hinh chit nhat, mit bén SAD 1a tam gidc déu canh
24 va nam trong mat phang vudéng goc voi miat phang (ABCD) . Goc giita mat phang (SBC)va
mit phang (ABCD) 1a 30°. Thé tich cta khdi chop S.4BCD la:

3 3 3
A. 2“‘/5. B.“‘/g. C. 4“‘/5. D. 24°\3.
3 3 3
Loi giai
Chon D
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Cau 18.

Cau 19.

TAI LIEU ON THI THPTQG 2021

D C

+ Trong tam giac déu SAD goi I 1a trung diém AD=>SI 1 AD = SI 1 (ABCD).

+Goi M la trung diém BC = BC LIM (1).

Mit khac do ST L (ABCD)= BC L SI (2).

Tu (1), (2) suyra BC L SM .

+ Vay, goc giita mat phang (SBC) va mit phang (ABCD) chinh 1a goc SMI =30°.

N

tan 30°

+ Xét tam giac vudng SIM c6 IM = =3a (vi tam gidc SAD la tam giac déu canh 24 nén

SI =av3).
. . 1 1
Vay, the tich cua khoi chop S.ABCD1a V = ES epS = SAD. BC.SI =24°/3.

(Chuyén Nguyén Hué- 2019)Cho hinh chép S.ABCD c6 day la hinh vudéng canh a, mit bén
SAB nim trong mat phang vudng goc v6i (ABCD), SAB=30°, SA=2a. Tinh thé tich ¥ cia
khdi chop S.4ABCD.

\3d’ a

3
AV = . B.V=d c.r=%. D.v=2.
6 9 3

Loi giai

Chon D

Goi H 14 hinh chiéu vudng goc ciia S 1én canh AB.
Do (SAB) L(ABCD) va (SAB)~(ABCD) = AB nén SH L (ABCD).

Xét tam giac SAH vuodng tai H ta co: sin SAB = i—]j = SH =5sin30°.54 = a.

Mit khac: S ., = AD’ =a’.

R 1 1, a
Nén Vs yzep :g'SABCDﬂ:_'a 4=

3 3

Cho hinh chop S.4ABC c6 AB=a,BC = a\/g,@ =60". Hinh chiéu vudng goéc cia S 1én mat
phang (ABC) 1a mot diém thude canh BC. Géc giita duong thang SA va mit phang (4BC) la
45° . Gia tri nhé nhat ctia thé tich khdi chop S.4BCbang
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Cau 1.

Cau 2.

3 3 3 3
A.“‘E. g.a‘g. C.“‘E. D.“‘B.
3 8 12 6
Loi giai
Chen B

+Goi H 1a hinh chiéu cia S 1én mit phang (4BC),H € BC.

+(S4,(ABC)) = SAH = 45" = ASHA vuéng can = SH = HA.
Vo e = %SABC SH = %.AH%AB.BC.sin ABC
2 A

=%.AH.a.a\/§.sin60° = AH.%.

+V,, < AH,, < AH | BC tai H .

min

NG a3 o

——  4H .
+sinABH =~ = AH = a.sin60° =2 —p =
AB 2

(Chuyén Tran Phi Hai Phong 2019) Cho khdi chop tir giac déu S.4BCD c6 canh day bang a,
goc gitta mit bén va mat day bang 60°. Thé tich V' ctia khdi chép S.4BCD bang
3 3 3 3
aV3 B y-@V2 Q.V:—"‘6 p.y=@Y2
2 2 6 6
Loi giai

A V=

Goi O 1a tam cua day, goi M 1a trung diém ciia BC.

SO 1L BC S
Taco { nén (SOM ) L BC , suy ra [(SCD),(ABCD)] =(SM,0M )=SMO =60°.

OM 1 BC
cooM=Lpc-2. SO=OMtan60°:&.
2 2 2
1 1 a\/g 2_a3\/§

Thé tich khéi chép S.ABCD 13 Vy ,p0p =§SO.SABCD =375 4 .
(HSG Bic Ninh 2019) Cho hinh chép t giac déu S.ABCD c6 canh day bang a, tim cua day 1a
0.Goi M va N lan luot 1a trung diém cua S4 va BC. Biét goc gitta duong thang MN va mat
phang (ABCD) bang 60°. Tinh thé tich khdi chép S.4BCD .
a’10 B a’\30 c a’\30 b a*+10
6 ) = 6 T3
Loi giai

A.

Trang 24 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




Cau 3.

TAI LIEU ON THI THPTQG 2021

Goi H la trung diém A0 . Khi d6 goc gitta MN va (ABCD) la MNH .

a\10
5

Tacd HN =~CN? + CH> —=2CN.CH.cos45° =

av10 a\30
4.f=4.

Suy ra MH = HN.tan 60° =

a30

Do doé SO=2MH = 5

(Chuyén L& Quy Pén Quang Tri 2019) Néu mot hinh chop tir gide déu c6 canh day bang 2 va
¢6 dién tich xung quanh bang 4\/5 thi ¢6 thé tich bang

A.%. B.4\/3. c.?. D. 42.
Loi giai
Chon A

Xét hinh chép déu S.4BCD nhu hinh vé&
Ké OF 1 BC = E latrung diém BC va BC L (SOE)

Do do BC L SE

Xét ASOE vuong tai O, ta ¢
SE* = SO* + OE?

= SE =/S0” +1

Mat khac

qu = 4SASBC

3= 4.%.SE.BC

43 =250 +12
& S0 =+2(x>0)

1 1
Vs.ascp = §~S0-SABCD = 5.\/5,22 =

42
3
Cho hinh chép déu S.ABC c¢6 SA=a.Goi D,E lan luot la trung diém cua S4, SC. Tinh thé tich
khdi chop S.ABC theo a, biét BD vudng goc voi AE .

a’\21 a3 a’\7 21

A. . B. . C. . D. .
- 54 12 27 27

Loi giai

(dvtt)
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Chon A

B
Goi F latrung diém SE = BD 1 DF ; goi AB=x

2 2 g2 2 22 2 2
Ta c6 BE2=BD2:AE2=2AS +2AC -SC :2a +2x°—a _a +2x

4 4 4
2+2 2 2
2BS?42BE SE? 28+ g4
BF? = - 4 74 7AX
4 4 16
BF2=BD2+DF2<:>BF2=SBfZ

9a’ +4x° _5 a’ +2x’
16 4 4
Goi H 14 hinh chiéu ciia S 1én (ABC ) khi d6 H 1a tam duong tron ngoai tiép AABC

2
= SH =~[SA> - AH” = az—LE —xﬁj _ a7

< 94> +4x* = 54> +10x* < 4a* = 6x7 :xza\/g

32 3
, ; N3 a*\3
Tam gidc ABC ddu c6 canh la x = SMBC:%:‘I&/—

R 1 1 a\ﬁ azx/g a \/i
Vay Vs usc ZESH'SAABC :g' 37 6 = 54 ‘ ‘ ‘
Hodc su dung cong thirc tinh thé tich chop tam giac ABC déu co canh bén bang a, canh day bang
X

2
2 2a

24°
x*A3a* —x* B 3 3a 3 a*\21
12

12 54

VSABC =

Ciu 5. Cho hinh chép déu S.ABCD c6 canh AB=a, goc giita duong thang SA va mit phang (ABC )
bang 45°. Thé tich khdi chop S.4BCD 1a

3 3 3
AL B.“‘/E. D.‘“/E.
3 =6 3

Chon B
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‘ TAI LIEU ON THI THPTQG 2021
Vi S.ABCD 1a hinh chop déu nén day ABCD 1a hinh vudng va chan duong cao H trung voi tdm
cua hinh vuéng ABCD.
Dién tich day ciia khdi chép S.ABCD 1a S ., = a’.
Nhan thiy HA4 la hinh chiéu vudng goc clia SA trén (ABC). Vi thé
(54,(4BC)) =(S4,HA) = SAH . Suy ra SAH = 45°.

a2

Xét tam giac ABC vudng tai B, taco: AC =+ AB* +BC* = a2 . Suyra HA= 5

Tam giac SHA vudng tai H vacod SAH = 45° nén la tam gidc vudng can tai H . Suy ra
a2
5

SH = HA =

1 2a\/§_a3\/§
2 .

Thé tich khdi chép S.ABCD la: V = %.SABCD SH = 34 .
(HKI-NK HCM-2019) Cho hinh chép tir giac déu S.4BCD d6 dai canh day 1a a. Biét rang mat

4

phang (P) qua A4 va vudng goc véi SC, cit canh SB tai B’ v6i i—l; = % Tinh thé tich cta khéi

chop S.ABCD
3 3 3 3
N B, <6 c. «Ye. p. N6
- 6 4 2 3
Loi gisi
Chon A
s
K3
deieeeeeee o c
A® E
BD 1 AC
Ta co: = BD 1 (SAC)= BD L SC
BD 1. SO
Ma (P) L SC=(P)//BD
Trong (SAC), goi {G}=AC'nSO = GB'// BD jﬁzSi:%
) SO SB 3
Suy ra G 1a trong tAm ASAC = C' 1a trung diém SC
. , L V36
Nén ASAC la tam giac déu canh AC = a2 = SO = ax/E.T = aT
1 1 a\/g a3\/g
= Vsasco ZESABCD‘SO zgaz-T T 6

(Sé& Quang Tri2019) Cho mdt hinh chép tir gidc déu c6 canh ddy bang 2a va canh bén tao véi
mat phang day mot goéc 45°. The tich ctuia khoi chop do 1a
3 3 3
A.4‘“5. B.“‘E. C.G‘E. D. 24°V2.
3 8 6
Loi giai
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Cau 9.

Chon A

Wl . V4
D A

Dung hinh chép tir giac déuS.ABCD théa man cac diéu kién dé bai véi {0} =ACNBD

Theo gia thiét ta c6 4B =2a, SA tao v6i mit phang (ABCD) mot goc 45° suy ra SAO =45°
ABCD 1a hinh vuéng canh 2a nén tinh dugec AC = 22a=04=a2

Tam giac SOA vuong can tai O vicod SO L OA,§4\O =45° suyra SO=04= a2

4a3\/§
3

Vay thé tich khéi chop 1a 7 = %SABCD.SO _ §4a2.af -

(THPT Trén Phi - 2019) Cho hinh chép ttr gidc ddu S.ABCD c6 canh day bing 2a+/3 , khoang
cach gitra hai duong thing S4 va CD bang 3a . Thé tich khdi chop da cho bang:

3
A. &3, B. 6a°/3. C. 124°. D. 8“3*6.
Loi gidi
Chon C

Goi O=ACNBD.

CD /| AB
Taco 1,43 < (s4B) = d(CD,S4)=d(CD,(SAB))=d (D,(SAB)) = 2d (0,(S4B)).
é {OK 4B om (SAB)=> OH =d(0,(S4B))= 3a.
OH L SK 2
Xét A SOK :— L L o s0-3a

OH® SO ' OK’
Vay thé tich khdi chop S.4ABCD:V = %SABCD.SO =124’

(Kiém tra ning luc - PH - Quéc Té - 2019) Cho hinh chép tam giac déu S.ABC, canh AB=a
va canh bén hop v6i ddy mot goc 45°. Thé tich ¥ cta khdi chop 1a

3 3 3 3

A v=L B. V=2 c.v=2, p.v=%.
=" 6 3 4
Loi giai
Chon A
A
4 C

Goi O 1a tam dudng tron ngoai tiép tam giac 4BC.
Vi S.4BC 1a hinh chép tam giéc déunén SO L (ABC).

Do S.ABC 1a hinh chép tam giac déu nén cic canh bén déu tao voi mit day cac goc bang nhau.
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TAI LIEU ON THI THPTQG 2021
Goc giita canh SC véi day 1a goc gitta hai duong thang SC va OC hay chinh 1a goc SCO . Theo
bai ra ta ¢ SCO = 45° = ASOC vudng can tai O.
2 a\/g _ a\/§

Tam gidc ABC déu canh a nén CO = SO = 3 .

2 3
a*\3
2

Dién tich day: S

ABC ~

2 3
Thé tich cia khéi chép ¥ =+ 5 .50 = L 94Y3 Bl _a
3 3 4 3 12

Cho khéi chop tir gidc déu co tit ca cac canh bang 2a . Thé tich cua khdi chop da cho béng:

3 3 3 3
A, 22 B 3 c. 82 D. a2
3 3 3 3
Loi gidi
ChonD

S

i _
Goi O la tam cua hinh vuéng ABCD, ta c6 SO L (ABCD) .

1 1
Xét tam gidc SOA vudng tai O c6 SA=2a, AO =§AC =E.2a\/§ =av2.

Suy ra SO =/S4* - 4O? :,/(241)2—(5;\/5)2 —a\2.

. 1 1 » 4a*\2
Viy VS_ABCD=§.SO.SABCD=§.ax/§.(2a) ==

(Dé Minh Hoa 2017) Cho tir dién ABCD c6 cac canh AB,AC va AD d6i mdt vudng goc véi
nhau; AB=6a, AC=7a vaAD=4a. Goi M ,N,Ptuong ung la trung diém cac canh
BC,CD,DB. Tinh thé tich V' ctia tir dién AMNP .

28 7

A V=74 B. V=144’ C.Vz?a D.V=Ea3
Loi giai
Chon A
D.
/ -P
N /
‘4 B

Taco V= lAB.lAD.AC = l6a.7a.4a =28a’
32 6
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Cau 3.

~ Je 1 1 1
Ta nhan thay S, = ESMNPD = ZSBCD =V = ZVABCD =7a’.
(Chuyén Hung Vwong - Phu Tho - 2020) Cho hinh chop S.ABCD c¢6 day ABC 1a tam giac
vuong can dinh 4, AB= av2. Goi 7 1a trung diém cua BC, hinh chiéu vudng goc cuia dinh S
1én mat phang (ABC) 1a diém H thoa man /4 =-21H, goc giita SC va mat phang (A4BC) bang
60°. Thé tich khdi chop S.4BC bing

3 3 3 3
A.“‘B. B.“‘B. g.“*/g. D.“‘/E.
2 6 6 12
Léi gidi
Chon C
1 1 ,
S po == AB.AC =—.aN2.a\2 = a*.
2 2
BC=2a, IA=a, IH=%.
2 2
Tam giac HIC vuéng tai I tacé HC® = HI* + IC* =%+a2 :%: HC = “f.

SH /\a\/g\/—_a\/g
2 T 2

tanﬁ:H—Ca SH = HC.tan SCH =

a15 o a*\15
2 6

(Sé Yén Bai - 2020) Cho hinh chép S.4BC c¢6 ABC 1a tam giac déu canh 3a,

SAB = SCB = 90", goc giita (SAB) va (SCB) bang 60°. Thé tich khdi chép S.4BC bang

3v24* \/Eas \/§a3 9\/§a3
- .

. 1
Vay Vs uzc :E‘SH‘SABC =

W | —

B. C. . D. .
3 24 - 8

Loi giai

A.

Chon D
Trong mit phang (ABC) lay D nam trén duong trung truc cia AC sao cho SD L (ABC) va

BCD = BAD = 90° = SAB = SCB = 90°

A
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2
GQiOzAC’ﬁBD:BD:BO(; — 203 = D = a3

Dung AM L SB,do ASAB = ASCB = CM L SB = ((SAB),(SCB)) = (AM,CM)

FNéu AMC = 60° = me = 2¢

=3a = BC vo6 li vi tam giac MBC vudng tai M

sin30°
+ Néu AMC =120° = Mc = -9¢ :\/535023“*/535323“\/8
sin60" 2 2
aN b6 1 9a2\/§ a\/g 9a3\/§
SDZ SB2 —BD2 = 5 :>VS<ABC zg'SABC'Sng' 1 . 5 = 3

Cho hinh chép tir giac déu S.ABCD cb tat ca cac canh déu bang 1. Goi G 1a trong tim tam giac
SBC . Thé tich tir dién SGCD bing

N B V2. e p. Y2,

= 36 6 36 18
Loi gii

Chon A

Goi O 1a tam hinh vuéng ABCD, M 1 trung diém BC.
Vi S.ABCD 14 hinh chép tt gide déunén SO L (ABCD)

Vsen :ﬁzg suyra V. =—Vg.,(1).
—VSMCD SM 3 SGCD 3
Mat khac:

Hinh chop S.ABCD va §.MCD c6 chung duong cao SO va §,,,., = %SABCD = iSABCD

R 1
nén Vyep = Z Vs apcp (2)-

. \ 1
Tu (1) va (2) suy ra: Ve, = g Vs ascp

V2 2

— 2 1 1

Mit khéc SO =S4 — 40* =X2 ¥, 1o ==.80.8 oy = — 1 =22
2 3 372 6

A 2
Vay Vgep = 36
Cho hinh chép S.ABC ¢c6 AB=AC=4, BC=2, SA=43, SAC = S4B =30". Tinh thé tich
khdi chop S.ABC bang
A. 4. B.S5. C. 52, D. 24/5.

Loi giai

Chon A
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Ta co:
SC? = SA + AC* —2S4.AC.cos SAC .

NE

= SC? = 48+16—2.4\/§.4.T.

=SC=4.
SB> = SA> + AB® —2SA4.AB.cos SAB .
= SB=4. S
Goi M, N lan luot 13 trung diém cia cac canh BC, SA.
Ta co:
ASBC cantai S, AABC cantai 4.

SM 1 BC
- {AM LBC
Ké SH L AM . \ ="
Ma BC 1 (SAM )= BC L SH . )

Vay, SH 1 (ABC). !

Ta ¢, SM =~+/SC> —MC?> =~/15=AM .
Nén ASAM cantai M = MN 1 SA. c
Ta co:

MN =~/ AM? - AN* =3 ;

AM 5

A =43

= BC L(SAM).

ey e ————————————

'
'

]

A
%
1

1

1

r

==
-

-

#

1 1 4:15

1 .
Susc =AM BC = J15. Do do: v, . = SSH Sy =§.JE.T= 4.

Cau 6. (Chuyén - Vinh Phuc - 2019) Cho hinh chop S.ABC c6 cac canh SA=BC=3; SB=A4AC=4;
SC = AB =2+/5 . Tinh thé tich khdi chép S.4BC.

/390 \/390 \/390 J390
A B. C.—— p. Y27
4 6 12 2
Loi giai
Chon A W ’ o
Ap dung cong thirc thé tich khi tir dién gan déu:
Vs asc \/_\/a +b* - ( 2_b2+6’2)(—a2+b2+cz)= ?;90.

Cau7. Cho }(héi chop S.ABCD c6 day ABCD la hinh vuéng canh 2a, S4 =SB = a2 . Khoang céch tur
A dén mat phang (SCD)bang a . The tich khoi chop da cho bang

3 3 3
A. J6a . B. Va . C. 2*6‘1 D. 23a .
3 6 3 3
Loi giai
Chon D
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Goi I va J lan luot 12‘1‘ trung diém cua AB va Cl~) theo dé bai ta c6: SA = SB = a~/2 nén hinh
chiéu H cua S 1én ddy nam trén duong thang 1J . Dé thay CD 1 (S1J).
Suy ra d(4,(SCD))=d(I1,(SCD))=d(1,5))=a.
Tam giac SAB vudng can tai Snén S/ =g suyra SI = d(I,SJ) =a= S8l 1L (SCD).

2a 2

w , ;
Thé tich khdi chép S.4BCD la: V=%SABCD.AH:%.4a2.“f _ 2\/3§a _

22
Trong tam giac vudng SIJ tacd: SH 1) = SI.SJ = SH = SLSJ _& (Za) ¢ _ a3 )
I

Ciu8. Cho khéi chop S.ABCD ¢6 ddy ABCD 14 hinh thoi tim O, AB=a, BAD = 60°,SO L (ABCD)
va mit phiang (SCD) tao v6i mit phang day mot goc bang 60°. Thé tich khéi chop da cho biang

3 3 3 3
A. V3a . B. V3a . C. V3a . D. V3a .
=g 24 48 12
Loi gidi
Chon A

Tir gia thiét hinh thoi ABCD ¢6 AB = a, BAD = 60° nén BD = a, AC = a+/3 .
Dung OK 1 CD,(K € CD).
Tac6 SO L (ABCD)= SO L CD va OK L CD nén CD L (SOK)=CD L SK.

Do d6 géc giita 2 mat phing (SCD) va (4BCD) la goc SKO = 60°.

Trong tam giac vuong OCD,(C/OTD:%O) co ! == ! =+ ! - = ! ~+ ! - :1_62
OK~ 0C* 0D a3 [a] 3a
2 2
#OK:&.
4
3 3a

Trong tam giac vudng SOK,(S/OT{ =90°) ¢6 SO = OK.tan SKO = aT. tan 60° = i

ACBD av3.a J3d?
2 2 2

a 1 1 \/gaz 3a \/§a3
Vay VSAABCDZE‘SABCD‘SOzS- 5 ,T: s

Cau9. Cho hinh chép S.4BC c6 day ABC la tam giac déu canh a, khoang cach tir diém A4 dén mat

V15 a 15
5

phang (SBC) la aT, khoang cach gitra S4 va BC la

Di¢n tich hinh thoi ABCD la: S ., =

. Biét hinh chiéu cta S 1én mat

phiang (4BC) nam trong tam giac ABC, tinh thé tich khdi chép S.4BC.

3 3 3 3
AL B.“ﬁ. c. L. D.“ﬁ.
4 8 8 =4
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Chon D

Dung hinh binh hanh ABCD. Goi O 1 hinh chiéu vudng goc ctia S 1én mat phang (4BCD) .
Dung dudng thang d di qua O, vudng goc véi BC va cat BC, AD lan luot tai H, M .
Khidé AD,BC 1 (SHM).

Trong ASHM , dung HK 1 SM (K € SM) va MN | SH (N € SH).

Taco MN L. SH va MN 1 BC nén MN 1 (SBC).

1
Vivay MN =d(M,(SBC)) = d(A,(SBC)) =2 : >
. a15
Do BC//(SAD) nén d(BC,SA) = d(BC,(SAD)) = d(H,(SAD)) = HK . Suy ra HK = —
Do ASHM c¢6 hai duong cao MN = HK nén cantai S. Suyra O 1a trung diém cua MH .
Ta c6 MH = d(AD, BC)=d(A4,BC) = % (do AABC du, canh bing a). Suy ra MO = #.
Xét hai tam giac dong dang MKH va MOS , ta c6
a3 aV1s
J aﬁ] ) JE]
2 5

2 ‘ 1 1 2 3
Vay thé tich khdi chop SABC 1a V = SOX Sy c :gx%x a f :%

Ciu 10. Hinh chép S.ABCD ¢6 ddy ABCD 13 hinh thoi tim O, AB=a, BAD =60°,50 L (ABCD) va
mit phang (SCD) tao voi mat ddy mot goc 60°. Tinh thé tich ¥ ciia khéi chop S.4BCD .

3 3 3 3
A.Vz\/if. B.V:‘g". C. =*B“. Q.V:‘E“.

Chon D

Do ABCD 14 hinh thoi tim O, AB=a, BAD = 60°, nén tam gisc BCD déu canh a
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Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021

o 2
Tacd S ,,., = AB.AD.sin BAD == f
Goi E 1a trung diém CD va I 1a trung diém ED. BE = “*f, oI :%BE - "f . BE L CD nén
OI L CD.
Nén goc gita mit phing (SCD) va mit day la goc SIO, suy ra SIO=60°.
SO = OI.tan 60° =%T“.

2 3

Vay thé tich ¥ ctia khéi chép S.ABCD 1a ¥ = %SABCD SO = % 2 2\/5 .%" =£ Sﬁ .

Cho hinh chop S.4BCD c6 ddy ABCD 14 hinh thoi canh x, BAD = 60°, goi I 1 giao diém AC
va BD. Hinh chiéu vuoéng goc cta S 1én mat phang (ABCD) 1a H sao cho H la trung diém cua
BI . Géc gitta SC va (ABCD) bang 45°. Tinh thé tich ¥ cta khdi chép S.ABCD .

3 3 3 3
A.V:*@x . B.V:@x . g.Vz*@x . D.Vz‘@x .
12 36 24 48
Loi gii
Chon C

Tam giac ABD déu canh x = BD=x= IH zz

3

Ap dung dinh 1i cosin cho tam giac ABC: AC = \/x2 +x? = 2x.x.008120° = x/3 = IC = >

2 2
Xét tam gide THC vuéng tai I : HC —[IH? + IC* — ,/f—6+3% _x 413

Do tam giac SHC vudng tai H , c6 SCH = (SC,(ABCD)) = 45° nén tam giac SHC vudng cin

tai H.Suyra: HC=SH =

xv13
4

Vay thé tich khéi chép S.ABCD: Vy pep = %%.AC.BD.SH = %.xﬁ X

xv13 x3\/§
4 24

Cho hinh chép S.4BC c6 AB=AC=4, BC=2,S4=43, SAB = SAC = 30°. Tinh thé tich
khdi chop S. ABC.

A. VSAABC =38. B. VSAABC =6. C. VSAABC =4. D. VSAABC =12.
Loi giai
Chon C
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S‘
YNEVAN
/ :ll \ \,
2 NN
/ | \ .
/ i \ N
/o 1\ O\
R
A ‘:---l--ll————\ —————— »C
Tmedd ~
\\K\H‘ ‘;’}‘/ 2
<
NP
B

Goi M 1a trung diém ciia canh BC. Vi AABC cantai A (do AB= AC=4)nén AM 1 BC.
AM =N AC* —MC* =\15; S, ;o = %AM.BC =15

ASAB=ASAC(c—g— c) nén SB=SC.Goi H 1ahinh chiéu vuong goc ciia diém S trén mit
phing (ABC) suyra H € AM .

Ap dung dinh i cosin cho ASAB, ta cd: SB* = SA*> + AB* —2SA4.AB.cos30°=16= SB=4.
ASMB vuoéng tai M nén SM =~/SB*> —MB* = V15

2 2 2
Ap dung dinh i cosin cho ASAM , ta c6 cos SMA — M +AM" =547 3

2.5M .AM 5
= sin SMA = \J1 — cos® SMA :§.
:»SHZSM.smsm:ﬁ.g:@.

N 1 1 4415
V&Y Vsine =5 Samc-SH = 5.\/@ — =4
Cach 2:
s
4 ;/ Il\;\
/A
/ i \
300 1\ \
AL
N - —"J-., \. </’
\}(\ H\ - ’;,/ 2
| 7 M
\P
B

Ap dung dinh 1i cosin cho A4BC , ta co

AB*+ AC* —BC?* 7
Cos A= =—,
2AB.AC 8

Str dung cong thirc V' = a?bc\/l —cos’ @ —cos” B—cos’ y +2cosacos Bcos y

 AB.AC.SA
6

2
=V \/l—cosz 30°—cos® 300—[%] +2cos30°.00530°% =4.

Caul3. Cho hinh chép S.ABC 6 Sd=a, AB=aJ3,AC=ay2. Goc SAB=60",
BAC =90°, CAS=120°. Thé tich khdi chop S.4BC bing

3 3 3 3
A4V g.“‘/g. c. @6 pD. L.
3 6 3 3
Loi giai
Chon B
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M
LAy trén canh AB; AC lan lugt cac diém M ;P sao cho AS =AM = AP=ua

Ta co: SM = a; MP = a~J2;SP = a/3 = ASMP vudng tai M
Do AS = AM = AP = a = Hinh chi€éu cua 4 trén day (SMP) la tdm dudng tron ngoai ti€p tam
giac SMP ,1a H .

2
Taco: Sy = ! a.a2 = [

/SAZ SP a\/7

AB AC
Ta lai co: V: jii AM A \/_ VS ABC — A SBC \/_ VA SMP \/_

SMMP— 1

1 a3x/§
ASMP 3 SASMP'AH =

a \/_ a3
Cau 14.

12 6
(THPT Minh Khai - lan 1) Cho hinh chép S.ABC c6 AB=7cm, BC =8cm, AC=9cm. Cac

mit bén tao v&i day goc 30°. Tinh thé tich khdi chop S.4BC. Biét hinh chiéu vuong goc cua S
trén (ABC ) thudc mién trong cia tam gidc 4BC

2003,
A T(cm )

63v3
B. 20/3(cm®). C. —(cm?). D. 7233 (em?).
V3 (em?) - (en’) V3 (em’)
Loi giai
Chon A
S
/M
//// r; ‘:&:\
/ /“'\ \\
HAN
/[EVN
/ ," .lwl\ \
/ / | l'\ \\ \\
AR
/ [ J “v \ \\ \\
/ f P \ \
/ [ \ \
/o]

\\J‘ ///,/
Tacod p= AB+32C+AC =12(cm).

Dién tich tam gidc ABC la Sz\/p(p—AB)(p—AC)(p—BC) —12\/7(cm )
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Cau 15.

Cau 16.

Goi H 1a hinh chiéu vudng goc cta S trén (ABC )

Goi K, N, M 1ahinh chiéu vuong goc ciia H trén AB, BC, CA.
Theo bai ra ta c6 SKH =SNH = SMH =30°.

Ta co ASKH = ASNH = ASMH vi

SHK = SHN = SHM =90°,

SH chung,

SKH = SNH = SMH =30°.

Suy ra KH = NH = MH .

Vay H 1a tim duong tron noi tiép tam giac ABC.

Khi d6 KH:NH:MH=M=ﬁ(cm).

p
J15

SH = HK tan 30° ZT(CW[) .
Thé tich khdi chép S.ABC 1a V = %SH.SAABC = %.12@.@ - %(cmﬂ.

Cho hinh chop S.4ABC c¢6 cac mat bén (SAB ),(SAC ),(SBC )tao v6i day cac goc bang nhau va
déu bang 60° Biét AB =13a,AC =14a,BC =15a, tinh thé tich V' cua khdi chop S.4BC
AV =283a%. B. V=112{34".  C. V=843 D. 844°.

Loi giai
Chen B

S

Goi H 1a hinh chiéu ctia S trén mit phing (ABC ) .
Goi M,N,K lan luot 12 hinh chiéu cia H trén cac canh BC, AC, AB Khi d6,ta c6 cac tam giac
ASHK ,ASHM ,ASHN bang nhau=> HM = HN = HK =r ,v6i r 1a ban kinh duong tron noi
tiép tam giac ABC .

AB+BC+CA 13+14+15

Ta c6 ntra chu vi ctia tam giac ABC la p = 5 5 21.
Tac6:S 5 =+/p(p—AB)(p-BC)(p-AC) =[21.(21-13)(21-14)(21-15) = 84.
Me‘l.SABC:pr@r:ﬁ:%:4:HM

p 21

Ta lai 6: ((SBC),(ABC)) = SMH = 60° = SH = r.tan60° = 4/3
=V, s :§.84.4\/§ =1124/3.

Cho hinh chop S.ABC ¢6 SA=SB=SC=6, AC=4; ABC la tam giac vudng can tai B. Tinh
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16v2

thé tich V' ctia khdi chop S.4BC.

16f

AV =167 B.V=—1" C.V =162 D. V=

Loi gidi
Chon D
s

B
* Goi H 1a hinh chiéu ciia S trén mit phing (4BC).
Do S4 =SB =SC nén ASHA=ASHB = ASHC (canh huyén-canh géc vudng)
— HA=HB=HC = H latam dudng tron ngoai tiép tam giac 4BC.
Tam giac ABC vudng can tai B nén H 1a trung diém AC .

Suy ra HA=HC=%AC=2 — SH =~SA> — HA* =42

AC2 22

e Ta co: BA=BC=T=

Vay Vs s :%.SABC.SH =1.l(2\/§)(2\/§).4\f :@.

Cau 17. (THPT Quynh Luu 3 Nghe An 2019) Cho hinh chép S.4BC biét ring SA=SB=SC=a,
ASB—120° BSC =60° va ASC =90°. Thé tich khéi chop S.ABC la

a2 g V2 . O3 p. O3

A — e T g
Loi giai

Taco SB=SC=a, BSC = 60° suy ra tam giac BSC déu = BC=a.

Laico SA=SC=a, ASC =90° suy ra tam giac ASC vudng can tai S = AC = a2 .

Mait khac, SA=SB=a, ASB =120° , ap dung dinh li cosin cho tam giac ASB, ta dugc:

AB* = SA> + SB> —25A.SB.cos ASB =3a* <> AB = a3 .

Xét tam giac ABC c6 BC*+ AC* =a’ +2a” =3a” = AB’ suy ra tam gidc ABC vuéng tai C.

1 aZ\/E
5

Vay dién tich tam gidc ABC 1a: S, ;- = EAC.BC =

Goi O la trung diém ciia canh AB suy ra O la tim dudng tron ngoai tiép tam giac ABC .
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Cau 18.

Ma SA=SB=SC = SO L(4BC).

2
Xét tam gidc vuong ASO vudng tai O ¢6 SO =~/SA> — A0* = |a? —(%} :%.
R 2., Lo, . 1 1 a’N2 a o \/5
Vay theé tich khoi chop S.ABC la: Vg - :g‘SAABC‘SOZE‘ > 3T 1
(THPT Luwong Thé Vinh Ha Ngi 2019) Cho hinh chép S.ABC c6 diy ABC la tam gide déu

J6 J15

canh 1, biét khoang cach tir 4 dén (SBC) 1a B dén (SCA) 1a o w ¢ dén (S4B) 1a

V30

—~— va hinh chiéu vudng goc ciia S xudng day nam trong tam giac ABC. Tinh thé tich khi

chop Vs e
A L B. - c.L p. L
36 48 12 24
Loi giai
Chon B
g
A i (i
o)
i
P N
B
Goi M, N, P lan luot 1a hinh chiéu cia A 1én cac canh AC,BC, AB .
bat SH=h=7V; .- =lh£=M
‘ 3 4 12

Taco ap=25 _pg — Vsmc __ 330 s
AB d(C;(S4B)) 2 20
Tuong tu, tinh dwgc HM =2h,HN =h

= PH =+/SP*—SH? =3h

Tacod S e =Sim + S +Suse =%(HP+HM+HN) @3h=§@h=§
vay . 33 _ 1
W sase =00 Tag”
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Chuyén dé 11 THE TICH KHOI LANG TRU

Caul.

Cau 3.

Cau 4.

Cau 5.

Cau 8.

TAI LIEU DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM

DANG. THE TICH KHOI LANG TRU DUNG
Thé tich khoi ling tru |V,

=S4, chi€u cao

lang tru

. Thé tich khéi lap phuong . Thé tich khéi hop chit nhat

Hinh ling tru déng va hinh Ling tru déu:
. Hinh ling tru ding 13 hinh ling try c6 cac canh bén vudng goc v6i mat phang day. Do d6 cac

mit bén cua hinh lang tru dung 13 cac hinh chit nhat va nam trong mat phang vudng goc véi mat
phang day.
. Hinh ling tru déu 13 hinh ling try ding ¢ day 1a da gidc déu.

(M4 101 - 2019) Thé tich khdi lang tru c6 dién tich day B va c6 chiéu cao & 1a
4 1

A. Bh. B. EBh. C. gBh. D. 3Bh.

(P& Minh Hoa 2020 Lin 1) Cho khdi 1ap phurong c6 canh bang 6 . Thé tich ciia khi 1ap phuong
da cho bang

A. 216. B. 18. C. 36. D. 72.

(Pé Tham Khao 2020 Lan 2) Thé tich khéi 1ap phuong canh 2 bang

A. 6. B. 8. C. 4. D. 2.

(M4 101 - 2020 Lan 1) Cho khdi hop chir nhat c6 3 kich thude 3;4;5. Thé tich cta khéi hop da
cho bang?

A. 10. B. 20. C. 12. D. 60 .

(M4 102 - 2020 Lan 1) Cho khéi hop hinh chir nhét c6 ba kich thude 2; 4; 6 . Thé tich cta khdi
hop di cho bang

A. 16. B. 12. C. 48. D. 8.

(M3 102 - 2020 Lan 2) Cho khdi ling try c6 dién tich ddy B =3 va chiéu cao 4 =2. Thé tich
ctia khdi lang try di cho bang
A. 1. B. 3. C.2. D. 6.

(Mai 103 2018) Cho khdi ling try c6 day 13 hinh vudng canh a va chiéu cao bang 4a. Thé tich
ctia khdi lang try di cho bang
A. 164’ B. 4a’ C. ch D. ia3
3 3
(M3 104 2018) Cho khéi ling try c¢6 day 1a hinh vudng canh a va chiéu cao bang 2a. Thé tich
ctia khéi lang tru di cho bang
2 4

A. gas B. gas C. 24 D. 44°
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Cau9. (THPT Thi¢u Héa — Thanh Héa 2019) Cho khdi ling tru c6 dién tich day bang a3 , khoang
cach gitra hai day cua lang try bang a~J6 . Tinh thé tich ¥ cua khéi lang tru

a3x/5 3613\/5
3

D.V =
4

AV =32 B.V =d’\2 C.V=

Cau 10. (Mi 102 -2019) Cho khéi lang tru dimg ABC.A’B'C’ ¢6 day 1a tam giac déu canh a va 44’ =2a
(minh hoa nhu hinh v€ bén).

Thé tich ctia khdi lang tru di cho bang

3 3 3
A Y3 g, Y3 C. 3. p, Y3
2 6 3
Cau11. (P& Minh Hoa 2017) Tinh thé tich ¥ ctia khdi 1ap phuong ABCD.A'B'C'D' , biét AC' =a~/3.
3
AV =4 B. V=3*/f” C. V=3\3a’ D.V:%cf

Ciu 12. (SGD Nam Pinh) Cho khdi ling tru ding ABC.A'B'C'c6 B'C =3a , day ABC 1a tam giac vudng
can tai B va AC = a~/2. Tinh thé tich ¥ cua khéi lang tru dng ABC.A'B'C".

3 3
AV =24, B. V =24". c.v:ﬁ“ . D.v="-_.
3 672

Ciu 13. Cho hinh lang try ding ABC.A'B'C’' c6 ddy ABC la tam gidc vudng tai A, biét AB=a,
AC =2a va A'B =3a . Tinh thé tich cua khdi lang try ABC.A'B'C’.

3 3
A. 224 B. Jsa c. J54°. D. 2424°.

3 3
Cau 14. (Gia Lai 2019) Cho hinh ling tru ding ABCD.A'B'C'D’ c¢6 ddy ABCD 1a hinh chit nhat,
AB=a, AD=aN2, AB' = a5 (tham khdo hinh v&). Tinh theo « thé tich ¥ cta khéi lang tru

da cho.

D’ C’

Af

A
3
AV =a"2. B. V =2a'\2. C.V=a\10. D.V=2a3\/§.

Trang 2 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021
Cau 15. Lang tru tam giac déu c6 do dai tat ca cac canh bang 3. Thé tich khoi lang tru da cho bang:

A. —27\/— B. & C. ¥ D. —27\/_

Ciu 16. (P& Tham Khao 2019) Thé tich cta khéi lap phuong canh 2a bing
A. 84° B. 24° C.a D. 6a’
Cau17. (Mi 104 2019) Cho khéi ling try ding ABC.A'B'C' c6 day la tam giac déu canh a va
AA'=~2a (minh hoa nhu hinh v& bén dudi).
A’ C'

/

B
Thé tich ctia khdi lang tru di cho bang
3 3 3 3
A Y6 g, Yoo’ c. Yoo’ p, Yoo
2 4 6 12
Ciu 18. (P& Tham Khao 2017) Thé tich cta khéi ling tru tam giac déu c6 tat ca cac canh bang a.

3 3 3 3
N E B,y =@V c.y a3 D,y =43

12 2 4 6

Cau 19. (Mai 110 2017) Cho khéi lang try ding ABC.A'B'C' ¢6 BB =a, diy ABC la tam giac vudng
cantai B va AC =a/2. Tinh thé tich ¥ cta khéi lang tru da cho.

3 3 3
a a a

A V=" B. V=" C.V=d D.V=—
3 2 6

Cau20. (Mi 103 2019) Cho khdi lang tru dimg ABC.A'B'C' c¢6 day la tam gidc déu canh 24 va
=3g (minh hoa nhu hinh v€ bén).

Thé tich ctia khdi lang tru di cho bang
A. 63", B. 334’ C. 243a’. D. V3a'.

Ciu 21. (Ma 101 -2019) Cho khdi lang try dimg 4BC.A'B'C"' c6 day la tam giac déu
canha va AA'= J3a (minh hoa hinh vé bén). Thé tich khoi lang tru da cho béng.
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Ciu 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

N < ¢ p, 30
- X 2 S

(THPT Viét Pirc Ha Ni Niim 2019) Cho hinh lang try dimg ABC.A'B'C’ c6 déy la tam gidc
vubng can tai B, AB=a va A'B=ax/3. Thé tich khéi lang tru ABC.4'B'C’ 14
3 @ a2

3
B. L c. L D.
2 6 2 2

A.

Cho hinh ling try dimg ABC.A'B'C' c6 day la tam giac déu canh a, A'B tao vi miat phang day
mot goc 60° . Thé tich khéi lang try ABC.A'B'C" bang
3 3 3 3
AL B. L. c. . p. 2%
2 4 4 8

Cho hinh lang try ding ABCD.A'B'C'D', day la hinh thang vuéng tai 4 va D, co
AB=2CD, AD = CD = a2, AA" = 2a . Thé tich khéi lang try da cho bing

A. 124°. B. 6a°. C.2a°. D. 4a’.

(Chuyén Lé Quy Pén Pién Bién 2019) Tinh thé tich khdi ling tru ding ABC.4'B'C’ bibt
AA'=2a;AB =3a;AC =4a va AB 1 AC.

A. 124°. B. 4a’. C. 24a°. D. 8a’.

(H¢i 8 trwong chuyén PBSH - 2019) Cho hinh lang try dung ABCD.A'B'C'D’ c6 day la hinh
thoi, biét A4'=4a, AC =2a, BD =a . Thé tich V' cua khdi lang try 1a

AV =8a. B.V=2d". C.V=§a3. D. V=4a".

(THPT Phan B§i Chau - Nghé An 2019) Cho hinh hgp ding c6 mot mat la hinh vudng canh a
va mot mit c6 dién tich 1a 34 . Thé tich khéi hop 1a

A. a’. B. 34°. C. 24°. D. 4a°.

(Chuyén Bic Giang 2019) Cho khdi hop chit nhat ABCD.A'B'C'D', biét
AB=a;BC=2a;AC' =a21 . Tinh thd tich ¥ cua khéi hop do?

A. 4a°. B. 164°. C. §a3. D. 8a°.

(THPT Thing Long 2019) Hinh 1ap phuong c6 do dai duong chéo bang 6 thi co thé tich 1a
A. 242, B. 5442 C. 24\3. D. 8.
Cho khéi hop chit nhat ABCD.A'B'C'D' ¢6 AA' =a, AB =3a, AC = 5a . Thé tich cta khéi hop da

cho la
A. 5a°. B. 44°. C.124°. D. 154°.
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Cau 31. (HKI-NK HCM-2019) Cho hinh hgp dung c6 canh bén d6 dai 3a, day l1a hinh thoi canh a va co
mot goc 60°. Khi d6 thé tich khéi hop 1a
3 3 3 3
A.3‘“E. B."ﬁ. C."ﬁ. D.3“*/§.
4 3 2 2

Cau 32. (Chuyén Lam Son 2019) Cho hinh lang tru ding ABC.A'B'C' ¢6 BB'=a, day ABC la tam
giac vudng can tai B, AC = a~/2 . Tinh thé tich lang tru

B’

N
A
3 3

AL B. L. C.a. D

3 6
Cau 33. (THPT Tran Phu 2019) Cho hinh ling tru dimg ABCD.A'B'C'D’, ¢6 ABCD 1a hinh vuéng
canh 2a, canh AC’ = 2a+/3 .Thé tich khéi lang tru ABC.A'B'C’ bing
A. 4a’. B. 34°. C. 24°. D. a’.

e
=3

Ciu 34. Cho lang try ding ABC.A'B'C" ¢6 day ABC la tam giac vudng can tai A v6i BC =a va mit
bén AA'B'B 1a hinh vudng. Thé tich khdi lang try ABC.A'B'C'bang

2
A. £a3. B. £a3. c.la. p. Lo

8 4 4 12
Ciu 35. (Thing Long-Ha Ngi 2019) Cho khéi da dién (kich thudc nhu hinh v& bén) dugc tao bai ba hinh

chit nhat va hai tam giac bang nhau.

Tinh thé tich khdi da dién da cho.
A. 48cm’. B. 192cm’. C. 32cm’. D. 96cm’.
Ciau 36. (Thi thir cum Viing Tau - 2019) Cho khdi lang try tam giac déu co tat ca cic canh bang a . Thé
tich khoi lang tru d6 bang
a*J6 a*\2 a3 a3

A. . B. . C. . D. .
4 4 4 12
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Cau 37.

Cau 38.

Cau 39.

(SP Pdng Nai - 2019) Cho hinh lang try tam gidc déu ABC.A'B'C' ¢6 AB =2a, AA' = a~/3 . Tinh
thé tich khéi lang tru ABC.A'B'C’.
3 3
A. 3d°. B. L. c. 3% D. d.
4 4

Cho hinh ling try tam giac déu ABC. A’B’C’ ¢cb AB=2a,AA'= a~/3 . Tinh thé tich khéi lang tru
ABC. A’'B’C".
3d° a
A 3d. B.d. c. = D. —.
4 4

(P& Minh Hoa 2020 Lan 1) Cho khdi ling tru dimg ABCD.A'B'C'D' ¢6 day 1a hinh thoi canh
a, BD = a3 va AA' =4a (minh hoa nhu hinh bén). Thé tich cta khéi ling tru dd cho bang

"‘1: Di
B‘l i ( r
_-L—Ll ------------------- D
B+ [
3 3
A. 233, B. 4\34°. C. 2@“ . D. 4@“ .
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Chuyén dé 11 THE TICH KHOI LANG TRU

Cau 1.

Cau 2.

Cau 3.

Cau 5.

Cau 6.

Cau 7.

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

Dang 1. Thé tich khoi ling

Cho hinh lang tru ding ABC.A'B'C' c¢6 day ABC la tam giac vudng can tai 4,
BC = a\/E, A'B tao véi day mot goc bang 60°. Thé tich ctia khdi lang try bang
\/5(13 \/5(13 34 3

B. c. 2% D. £
2 4 2 2

(Ly Nhan Téng - Bic Ninh 2019) Cho khéi ling tru dung tam giac ABC.A'B'C’ ¢ day 1a mot
tam giac vudng tai 4. Cho AC = AB=2a, goc giita AC’ va mit phang (ABC) bang 30°. Tinh
thé tich khéi lang tru 4ABC.A'B'C’.

2a3\/§ a3\/§ 5a3\/§ 4a3\/§

A. . B. . C. . D. .
3 3 3 3

A.

Cho lang try dung tam giac ABC.A'B'C' c6 day ABC la tam giac vuong can tai B véi
BA=BC =a, biét A'B tao v6i mit phing (ABC ) mot goc 60°. Thé tich khdi lang try da cho
bang

3 3 3
A 24°. B.“ﬁ. C.“*E. p. L
6 2 2

(SGD Nam Dinh) Cho hinh lang tru dimg ABC.A'B'C"' ¢6 day ABC la tam giac vudng tai 4,

ACB =30°, biét goc giita B'C va mit phing (ACC'A4") bang o théa min sina =ﬁ. Cho
khoang cach giira hai dudng thang A'B va CC' bing a~/3 . Tinh thé tich ¥ ctia khéi lang tru
ABC.A'B'C".

3a°\6

AV =a'6. B.V = o C.V=d'\3. D. V=243.

(Chuyén Pai hoc Vinh - 2019) Cho hinh ling try tam gidc déu ABC.4'B'C' ¢6 AB =a, goc
giita duong thang 4'C va mit phing (ABC) bang 45°. Thé tich khdi ling tru ABC.4'B'C" bang
a’\3 a*\3 a’\3 a’\3

A. . B. . C. . D. .
4 2 12 6

(Kinh Mén - Hai Dwong 2019) Cho hinh lang tru tam gidc déu ABC.A'B'C’' ¢6 AB=4a, gic
gitta duong thang A'C va mat phang (ABC) bang 45°. Thé tich khéi lang tru ABC.4'B'C’ bang
a3 a3 a3

A . B. C. 1643 . D.
4 2 a3 6

(Ma 104 2017) Cho khéi lang try ding ABC.A'B'C’' ¢6 day ABC 1a tam giac cin véi
AB=AC=a, BAC =120°. Mit phing (AB'C’) tao véi ddy mot goc 60°. Tinh thé tich V cua
khdi lang try di cho.

3 3 3 3
A.Vz% B. V=24 cr== D.Vz%
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

(Chuyén Vinh Phic 2019) cho ling tru déu ABC.A'B'C'. Biét rang goc giita (A'BC)
va (ABC) la 30°, tam gidc A'BC c6 dién tich bing 8. Tinh thé tich khéi lang
tru ABC.A'B'C".

A. 83, B. 8. C. 33 D. 82

(THPT Thiéu Héa — Thanh Héa 2019) Cho ling try tam giac déu ABC.A'B'C' c6 dién tich
day bang azf . Mit phang (A 'BC ) hop véi mat phang day mot goc 60°. Tinh thé tich khéi ling
try ABC.A'B'C".

AL 3a38\/§ B. al;/g C. 5a132\/§ D. 3a38\/§

(Hoi 8 truwomg chuyén PBSH - 2019) Cho lang tru tam giac déu ABC.A'B'C' ¢6 canh day bﬁng

a va AB' vudng goc voi BC'. Tinh thé tich ¥ cua khdi ling tru di cho.
3 3

A.V:“f. B.V:“f. C.V=a6. D. V="

Cho hinh lang try dimg ABC.4'B'C' ¢6 ddy ABC la tam gidc déu canh bang a va (4'BC) hop
v6i mit ddy ABC mot goc 30°. Tinh thé tich ¥ ctia khoi lang tru 4BC.A'B'C".
a’\3 a3 a3 3d°

AV = . B. V= . C.V= . D.V=—.
8 12 24 8

Cho lang try ding ABC.A'B'C" ¢6 day ABC la tam giac vuong tai 4 va AB=a, AC = a3,
mit phang (A'BC ) tao voi day mot goc 30°. Thé tich ciia khdi lang tru 4BC.4'B'C’ bang

3 3 3 3
A.a\/g. B.a\/g. C.3J§a‘ D.\/Ea.
12 3 4 4

Cho hinh lang try ding, c6 day ABC la tam giac vudng can tai 4, AB:a\/E, goc giita
mp (AB 'C ') va mp (ABC )béng 60°. Thé tich khéi lang try bang

A. 3d°. B. 3\34°. C. . D. \34°.

Cho hinh ldng try déu ABC.4'B'C’ . Biét khoang cach tir diém C dén mit phing (4BC’) bang
a, goc giita hai mat phang (4BC’) va (BCC'B') bang o véi cosa :ﬁ. Tinh thé tich khoi
ling tru ABC.A'B'C’ .

3a3\/§ 3a3\/§ a3\/§ 3a3\/5

AV = 1 B. V= . C.V= D. V= .

2 2 8
(THPT Minh Khai - 2019) Cho khi lang tru tam gidc déu ABC.A'B'C' ¢6 A'B=a/6, duong
thang A'B vudng goc v6i dudng thang B'C . Tinh thé tich khi ling tru da cho theo « .
a’\J6 3a’ 9a’

A. . B. &’ 6. c. 2 p. 2L
3 4 4
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.
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(Chuyén Lam Son Thanh Héa 2019) Cho khoi lang tru déu ABC.4'B'C' c6 canh day bang a.

Khoang céach tir diém A4' dén mit phing (AB'C ') bing % . Thé tich cua khdi lang tru d cho
la

3 3 3 3
NEAE B, 3 AL . 2%

4 6 2 2

(Chuyén Vinh Phuc - 2018)Cho lang tru ding ABC.A'B'C' day la tam giac vudng can tai
B, AC = a2, biét goc giira (A'BC) va day bing 60° . Tinh thé tich V' cua khéi lang try.
@3 @3 @3 a’\6

AV = . B. V= . C.V= . D. V= .
2 3 6 6

(Lién Truong - Nghé An 2018) Cho hinh ling try tam gidc déu 4BC.A'B'C’ ¢ gbc giita hai mit
phang (A'BC) va (ABC) bang 60°, canh AB=aq. Tinh thé tich ¥ cua khéi lang try
ABC.A'B'C".

NE 3

A V=224 B.V="4.
4 4

33

—a .
8

(THPT Trig¢u Thi Trinh - 2018) Cho khoi lang try tam gidc déu ABC.A'B'C’ ¢t canh day 13 a

C.V= D. V =\34.

va khoang cach tir 4 dén mat phang (A4'BC) bing % . Thé tich ctia khdi lang tru bang:

3 3 3 3
A 3\/561 ' B. \/Ea ' C. 3a \/5 D. 3a \/2‘
12 16 16 48

(THPT Tw Ky - Hai Dwong - 2018) Cho khdi lang tru ding ABC.A'B'C’ c6 ddy ABC la tam
gidc can véi AB = AC=a, BAC =120°, mit phing (4'BC’) tao véi day mot goc 60°. Tinh thé
tich cta khdi lang tru di cho

3a’ 9a’ NCYs 334

AV =—. B.V=—. C. . D. V= .
8 8 8 8

(THPT Yén Lac - 2018) Cho hinh ling try déu ABC.A'B'C’ ¢6 canh day bang a . Puong thing
AB’ tao v6i mit phing (BCC'B') mét goc 30°. Thé tich khéi lang tru ABC.A'B'C’ theo a.
3a3 3 a3\/g a3\/€

A 2L B. L. C. . D. .
4 4 12 4

(THPT Xuén Hoa - 2018) Cho hinh ling tru dimg ABC.A'B'C’, biét ddy ABC la tam giac déu

canh a. Khoang céch tir tim O cua tam gidc ABC dén mit phang (A'BC) bang %. Tinh thé

tich khéi lang try 4ABC.A'B'C’.
3 3 3 3
A.saﬁ_ B.3“ﬁ. C.3aﬁ_ D.sa\/i_
8 28 4 16

(THPT Hoang Mai - Nghé An - 2018) Cho mdt ling tru tam giac déu ABC.4'B'C’ cb canh day
bang a, goc gitra A'C va mat phang day bang 60°. Tinh dién tich xung quanh S, cua hinh n6n

c6 day 1a duong tron ndi tiép tam giac ABC va dinh 14 trong tim ctia tam gidc A'B'C’.
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Cau 1.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

2
As =FAN3B g
xq 36 xq

(Sé Binh Phwéc 2019) Cho hinh ling try ABC.A'B'C’ c6 tit ca cac canh bang «, cic canh bén
tao voi day goc 60°. Tinh thé tich khdi ling tru ABC.A'B'C’bang
3 3 3 3
a3 B. 2% c. 43 D. =
24 8 8 8

(THPT Thiing Long - Ha Ngi - 2018) Cho ling try ABC.A'B'C’ ¢6 ddy ABC la tam giac déu
canh bang a, biét A'A= A'B= A'C = a. Tinh thé tich khéi lang tru ABC.A'B'C'?
3a’ a2 a3 3

A 24 B. . C. . D. £ .
4 4 4 4

(HSG Bic Ninh 2019) Cho hinh ling tru ABC.A'B'C’'c6 day ABC la tam giac vudng cén tai
A, AC =22 , biét goc gitta AC' va (ABC) bang 60° va AC'=4. Tinh thé tich V' cuia khdi lang
tru ABC.A'B'C".

A.

A. V:% B. V:? C. V=¥ D. 83

(Gia Binh 2019) Cho ling tru tam giac 4BC.A'B'C"' c6 day la tam giac déu canh a, goc giita
canh bén va mit day bang 30°. Hinh chiéu cia 4' 1én (ABC ) 1a trung diém / cta BC. Tinh thé
tich khéi ling tru

3 3 3 3
a3 p, <13 AL p. Y3

2 12 8 6

A.

(Nguyén Khuyén 2019) Mot khdi lang try tam gidc c6 day 1a tam gidc déu canh bang 3, canh
bén bang 243 tao v4i mit phang day mot goc 30°. Khi d6 thé tich khéi ling tru la:

A2 B. 2’ . 73 p. 23
4 4 4 4

(Chuyén Bén Tre - 2020) Cho hinh hop ABCD.A'B'C'D’ c6 céc canh bang 2a. Biét BAD =60,

A'AB = A'AD =120°. Tinh thé tich V' cua khéi hop ABCD.A'B'C'D' .

A. 4247, B. 2V24°. C. 84°. D. V24

(SGD Gia Lai 2019) Cho hinh lang tru ABC.A’'B'C’ ¢ day 1a tam giac déu canh bang 2. Hinh

chiéu vuéng géc cia A4’ 1én mit phang (ABC) tring véi trung diém H cua canh BC. Géc tao
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boi canh bén 4’4 véi day bang 45°(hinh vé bén). Tinh thé tich V' cia khdi ling tru
ABC.A'B'C’.

A V= B.V=1. C.V= D.V=3.

2[5

ﬁ
=

Cau8. Cho ling tru tam giac ABC.A'B'C’ c6 day ABC 1a tam gidc déu canh g, hinh chiéu cua A’
xudng (A4BC) latim O duong tron ngoai tiép tam gidc ABC. Biét A4’ hop véi ddy (ABC) mét
goc 60, thé tich khéi lang tru 1a

a3 3a°\3 a3 a3

A. . B. . C. . D.
4 4 12 36

Ciau9. (THPT Ngé Quyén - Ba Vi - Hai Phong 2019) Cho ling try tam giac ABC.A'B'C’ ¢6 day la
tam giac déu canh a. PO dai canh bén bang 4a. Mit phing (BCC’B') vuong goc voi day va

B'BC=30°. Thé tich khéi chop ACC'B' 1a:

3 3 3 3
A.a*/g. B.a‘/g. C.a‘/g. D.a\/g.
2 12 18 6

Ciu 10. (Pé thir nghiém 2017) Cho ling tru tam giac ABC.A'B'C’ c¢6 day ABC 1a tam giac vudng can tai
A, canh AC=2\/§. Biét AC' tao v6i mat phing (ABC) mot goc 60° va AC'=4. Tinh thé
tich ¥ cua khéi da dién ABCB'C’ .

B.y-10 C. V:@ D.V:@

3 3 3

Cau 11. (THPT Hoang Hoa Tham - Hung Yén 2019) Cho ling tru tam gidc 4BC.4'B'C'c6 d6 dai canh
bén bang 8a va khoang cach tir diém A4 dén cac duong thing BB',CC’ lan luot bang 24 va 4a.
Biét goc gitra hai mit phang (4BB'A") va (ACC'A’) bang 60°. Tinh thé tich khdi ling tru
ABC.A'B'C".

A. ?\Ba% B. 8/34°. C. 2434 D. 16\34°.

A=t
3

Ciu 12. (Chuyén - KHTN - Ha Ndi - 2019) Cho hinh ling tru 4BC.A'B'C’ ¢6 day ABC la tam giac déu

canh @, hinh chiéu vudng goc ctia 4’ trén (ABC ) 1a trung diém canh 4B, goc giita dudng thing

A'C va mit phing day bang 60°. Thé tich khéi lang try ABC.A'B'C’ bing

3 3 3 3
A. *E" . B. ﬁ“ . C. 3‘/3“ . D. 3*/3“ .
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

(Hoi 8 truomg chuyén PBSH - 2019) Cho lang tru ABC.4,B,C, c6 dién tich mat bén (ABB A4,)
bang 4, khoang cach giita canh CcC dén mit phang (ABBIAI) bang 6. Tinh thé tich khdi lang tru
ABC.ABC,.

A. 12. B. 18. C. 24. D. 9.

(chuyén Hung Vwong Gia Lai 2019) Cho khéi lang tru ABC.A'B'C’,tam giac A'BC ¢6 dién tich
bang 1 va khoang cach tir 4 dén mit phing (4'BC) bang 2. Thé tich khéi lang try da cho bang
A. 6. B. 3. C.2. D. 1.

(Pai hoc Hong Pirc —Thanh Héa — 2019) Mot khdi lang try tam giac co day la tam giac déu
canh 3, canh bén bang 243 va tao vGi mit phang day mot goc 60°. Khi d6 thé tich khi lang tru
la?

27 3

A2 B. Y3 c. 23
4 4 4
(Sé Ha Ngi 2019) Cho lang tru ABC.A'B'C"' c6 day ABC la tam giac vudng tai B, dudng cao

BH .Biét A'H L (ABC) vi AB=1,AC =2, 44' =2 . Thé tich cua khéi ling try da cho bing

a2 8. YT c. ¥2L NN
12 4 4 4

(THPT Luwong Thé Vinh Ha Ngi 2019) Cho hinh lang tru ABC.A'B'C" c6 day la tam giac déu
canh a, goc giita canh bén va mit phang day bang 30°. Hinh chiéu cia A' xudng (ABC ) la
trung diém BC . Tinh thé tich khoi ling try ABC.4'B'C".

a3 a*\3 a3

D.
8 24 4

(THPT Viét Pirc Ha N§i 2019) Cho hinh lang tru ABCD.A'B'C'D’ ¢6 day ABCD 1a hinh thoi
canh a, ABC =60°. Chan duong cao ha tr B’ trung véi tim O cua day ABCD; goc gilta mat
phang (BB'C'C) véi ddy bang 60°. Thé tich ling tru bang:

3a3\/§ 2613\/§ 3a3\/§ 3a’

B. C. D. —
8 9 8 4

(THPT L& Quy Pon Pién Bién 2019) Cho lang try ABC.A'B'C’ ¢6 day l1a tam giac déu canha,

hinh chiéu vudng goc cua diém A’ 1én mit phang (ABC ) trung voi trong tdm tam giac ABC.

p. 2.
4

3
A. B. L C.
8

A.

Biét khoang cach giita hai duong thang 44’ va BC bang #. Tinh theo a thé tich cua khéi

lang tru da cho.
a3 a3

3 3
@3 B.“‘/g C. D.

3 24 6 12

A.

(Toan Hoc Tudi Tré 2019) Cho hinh ling try ABC.A'B'C’ ¢6 AA' =2a, tam gidc ABC vuodng
tai C va BAC = 60°, gc giita canh bén BB’ va mit ddy (4BC) bing 60°. Hinh chiéu vuong
goc ciia B’ 1én mit phang (ABC ) tring véi trong tim cua tam giac ABC . Thé tich cta khoi tir
dién A'.ABC theo a bing
3 3 3 3
.2—38. B.32i6. C.9216. D. 22702.
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.
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(THPT Thi¢u Héa — Thanh Héa 2019) Cho lang tru tam gidc 4ABC.A'B'C' c6 ddy ABC la tam

gidc déu canh a . Hinh chiéu cua diém A4' trén mit phang (ABC) tring vao trong tdm G ctia tam

2a2\/§

gidc ABC. Biét tam gidic A'BB' c6 dién tich bang . Tinh thé tich khéi lang tru

3
ABC.A'B'C".
3 3 3 3
AL 6a7\/§ B. 3a8\/7 C. 3a8\/§ D. 3a8\/§

(Cum lién trwong Hai Phong 2019) Cho hinh ling tru ABC.A’B'C’ c6 day ABC la tam giac

vudng can tai B va AC =2a. Hinh chiéu vuéng goc ciia 4’ trén mit phang (ABC) la trung

diém H cuacanh 4B va AA' = a\/z . Tinh thé tich V' cua khbi lang tru da cho.

3 3
A.V:“f. B.V:"f. C.V=2a2. D.V=a\3.

(THPT Tran Phii 2019) Cho ling tru ABC.A'B'C' ¢6 day 1a tam gidc déu canh 2a, canh bén
AA' = 2a . Hinh chiéu vudng goc cia 4’ 1én mit phang (ABC ) la trung diém BC. Thé tich cia
khdi lang try di cho 1a

A. a3 B. 24°\3. C. 3d°\2. D. 24°6.
Cho hinh lang try ABC.A'B'C' ¢6 day ABC la tam giac déu canh a, AA' = 3761. Biét rang hinh

chiéu vuong goc cia diém A4’ 1én mat phang (ABC ) 1a trung diém ctia canh BC . Tinh thé tich ¥

ctia khéi lang tru d6 theo a.

3 3
A.V—a3\E. B.V:Z%. C.V:%. D.V=ad.
42

(Ngé Quyén - Hai Phong 2019) Cho hinh ling try ABC.A'B'C’ ¢6 day 1a tam giac vudng can
dinh A4, AB=a, AA =2a, hinh chiéu vudng géc ctia A4’ 1én mit phang (A4BC) la trung diém
H ciia canh BC. Thé tich cua khdi ling tru ABC.A'B'C’ bang

3 3 3 3
@14 g, 14 c. 4 p, O3
2 4 4 2

(SGD Hung Yén) Cho ling try ABC.A'B'C' ¢6 ddy ABC la tam giac déu canh a, do dai canh

A.

.2 . ,
bén bang ?a’ hinh chiéu ctia dinh A" trén mat phang (ABC ) trung véi trong tdm cua tam giac

ABC . Thé tich khdi ling tru A4BC.4'B'C’ bang:

3 3 3 3
a\/§. B.a\/g. C.a\/g. D.a\/g.
36 6 12 24

(SGD Bic Ninh 2019) Cho hinh ling tru A4BC.4A'B'C' c¢6 day ABC la tam giac déu canh a ,

3 . s . . .
AA':?a. Biét rang hinh chiéu vuoéng goc cia A4' 1én (ABC) la trung diém BC. Theé tich cia

A.

khéi lang try 4BC.A'B'C'1a

3 3 3 3
A L2 p. N2 c. @6 D. 2%
8 8 2 3
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Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

(THPT Céam Binh Ha Tinh 2019) Cho hinh ling try ABC.A'B'C" c6 day la tam gidc déu canh

bang a, hinh chiéu vudéng goc cia A' 1én mit phang (ABC ) trung voi trong tdim G cua tam giac
. £ 5 , .~ \ 'Ly a\/g 2 . ¥ , ' N
ABC . Biet khoang cach giita BC va AA' bang e Theé tich khoi chop B'.ABC bang:

3 3 3 3
“*/g. B.“‘/g. C.“‘/g. D.“‘/g.
36 9 18 12
(TT Di¢u Hién - Can Tho - 2018) Cho ling tru 4BCD.A'B'C'D' ¢6 ddy ACBD 1a hinh thoi canh
a, biét A" ABC 1a hinh chép déu va A'D hop voi midt ddy mot goc 45°. Thé tich khdi lang try
ABCD.A'B'C'D' 1a :

A.

3 3
ae. C. a'\3. p, 46
12 3
(Chuyén Long An - 2018) Cho hinh ling try ABC.A'B'C’ c6 day la tam gic déu canh @ . Hinh

chiéu vudng goc cia diém 4’ 1én mat phang (ABC ) tring véi trong tdm tam giac ABC . Biét

A. a’. B.

khoang cach giita hai duong A4’ va BCbang #. Tinh thé tich ¥ cta khdi ling tru

ABC.AB'C' .
3 3 3 3
A.V:“‘/g. B.V:a\/g. C.V:a\/g. D.V:a\/g.
6 24 12 3

(Lé Quy Pén - Quéng Tri - 2018) Cho hinh ling try ABC.A'B'C’ ¢6 day la tam giac déu canh

a . Hinh chiéu vuéng goc cua diém 4’ 1én mit phing (ABC ) trung voi trong tdm tam giac ABC'.

Biét khoang cach giita hai dudng thang 44’ va BC bang # . Tinh thé tich V' cua khdi lang tru

ABC.A'B'C'.
3 3 3 3
A.V:“‘/g. B.V:“ﬁ. c.v:“ﬁ. D.V:“‘/g.
6 3 24 12

(THPT Ha Huy Tap - Ha Tinh - 2018) Cho lang tru ABCD.A'B'C'D' ¢6 day ABCD 1a hinh
thoi canh ¢, tim O va ABC =120°. Géc gitta canh bén A4’ va miat day bang 60°. Pinh A4’ cach
deu cac diém A4, B, D. Tinh theo a thé tich V' cua khoi lang try da cho.

3a’ a3\/§ a3\/§

AV =—. B. V= . C.V=
2 6 2

(THPT Tran Qudc Tuén - 2018) Cho hinh ling try ABC.A'B'C' ¢6 day ABC la tam gic vudng
tai A, AB=a, AC= a~/3 . Hinh chiéu vudng goc cua dinh 4" 1én (ABC) trung voi tdm cla

D. V=a3\/§.

duong tron ngoai tiép ciia tam giac ABC. Trén canh AC lay diém M sao cho CM =2MA . Biét
khoang cach giira hai dudng thing 4’M va BC bing %. Tinh thé tich ¥ cua khéi lang try da

cho.

3 3 2 3
A.V:af. B.V=a cw:%. D. V= “3‘5.
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Chuyén dé 11 THE TICH KHOI LANG TRU

Caul.

Cau 4.

TAI LIEU DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM

DANG. THE TICH KHOI LANG TRU DUNG
Thé tich khoi ling tru |V,

=S4, chi€u cao

lang tru

. Thé tich khéi lap phuong . Thé tich khéi hop chit nhat

Hinh ling tru déng va hinh Ling tru déu:

. Hinh ling tru ding 13 hinh ling try c6 cac canh bén vudng goc v6i mat phang day. Do d6 cac
mit bén cua hinh lang tru dung 13 cac hinh chit nhat va nam trong mat phang vudng goc véi mat
phang day.

. Hinh ling tru déu 13 hinh ling try ding ¢ day 1a da gidc déu.

(M4 101 - 2019) Thé tich khdi lang tru c6 dién tich day B va cé chiéu cao & 1a

A. Bh. B. %Bh. C. %Bh. D. 3Bh.

Loi giai
Chon A
Thé tich khéi lang tru c6 dién tich ddy B va c6 chidu cao & 1a: V =B.h.

(P& Minh Hoa 2020 Lin 1) Cho khdi 1ap phuong c6 canh bang 6 . Thé tich ciia khi lap phuong

da cho bang

A. 216. B. 18. C. 36. D. 72.
Loi giai

Chon A

Thé tich khdi 1ap phuong c¢6 canh bang 6 1a V =6’ =216.

(Pé Tham Khao 2020 Lan 2) Thé tich khéi lap phuong canh 2 bang

A. 6. B. 8. C. 4. D.2.
Loi giai

Chon B

Thé tich khoi 1ap phuong canh a 1a V =4’ .

Vay thé tich khéi 1ap phuong canh 2 1a: V' =2’ =8.

(M4 101 - 2020 Lan 1) Cho khbi hop chir nhét c6 3 kich thude 3;4;5. Thé tich cua khdi hop da

cho bang?

A. 10. B. 20. C. 12. D. 60.
Loi giai

Chon D.

Thé tich ctia khdi hop da cho bang ¥ =3.4.5 =60
(M4 102 - 2020 Lan 1) Cho khéi hop hinh chit nhat c6 ba kich thuéc 2; 4; 6. Thé tich cta khdi
hop di cho bang
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A. 16. B. 12. C. 48. D. 8.

Loi giai
Chon C
Thé tich cta khdi hop da cho bang 2.4.6 = 48.
Ciu 6. (Ma 102 - 2020 Lan 2) Cho khéi lang tru c6 dién tich ddy B =3 va chiéu cao 4 =2. Thé tich
ctia khoi ling tru dd cho bang
Al B. 3. C.2. D. 6.
Loi giai
Chon D
¢ Thé tich khdi lang trula V' =Bh=32=6.

Cau7. (Mai 103 2018) Cho khdi lang tru c6 day 1a hinh vudéng canh a va chiéu cao bang 4a. Thé tich
ctia khoi ling tru dd cho bang

A. 164° B. 44’ C. %cf D. %cf
Loi giai

Chon B
V=_5,,h= a’da=4a’.
Cau8. (Ma 104 2018) Cho khéi lang tru c6 day 1a hinh vudéng canh a va chiéu cao bing 2a. Thé tich
ctia khoi ling tru dd cho bang
2 4

A =d’ B. —a’ C.2a° D. 44’
3 3
Loi giai
Chon C
Taco: V, =S h=a’2a=2a".

langtru day

Ciau9. (THPT Thiéu Héa — Thanh Héa 2019) Cho khdi ling tru c6 dién tich ddy bang a3 , khoang
cach giita hai day cta lang tru bang a~/6 . Tinh thé tich ¥ cuia khdi lang tru

a3x/5 3a3x/§
4

A V=32 B.V=a'\2 C.V =" D. V=

Loi giai
Chon A
Thé tich khéi lang tru 1a V = B.h = a*\3.a/6 =3a°\2
Ciau 10. (Mai 102 -2019) Cho khdi lang tru dimg ABC.A'B'C’ ¢6 day 1a tam giac déu canh a va A4 =2a
(minh hoa nhu hinh v€ bén).

Thé tich cua khdi lang tru da cho bang

NEYS NEYS c. 3a NEY

B. D.
2 6 3
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Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
Loi giai
Chon A
A’

. a*\3
Tam giac ABC déu canh a nénS, ;- = 0

Do khéi lang tru ABC.A'B'C’ 1a lang tru ding nén dudng cao cua lang tru la 44’ =2a

2 3
Thé tich khéi lang tru 13 V = AA'S, 0 = 2a.2 f = *62“ .

(P& Minh Hoa 2017) Tinh thé tich ¥ ctia khéi lap phuong ABCD.A'B'C'D', biét AC' =a+/3.

3
|
AV =4 B. V:3\/f“ C.V =334 D. V=§a3
Loi gidi
Chon A
B c
A - : D
B mm -1 e
Mo D

Gia sir khdi 1ap phuwong c¢6 canh bang x; (x > 0)

Xét tam giac 4'B'C' vudng can tai B' ta co:

A'C?=A'B*+B'C*=x"+x"=2x" = A'C'=x\/2

Xét tam giac 4' AC' vudng tai 4'ta cod

ACY =A'A+A'C” &3a° =x"+2x" & x=a

Thé tich ciia khdi 1ap phuong ABCD.A'B'C'D'1a V =a’.

(SGD Nam Pinh) Cho khéi lang try ding ABC.A'B'C'c¢6 B'C =3a , day ABC la tam giac vudng

cantai B vaAC = a2 . Tinh thé tich ¥ ciia khdi lang tru ding ABC.A'B'C".

V28 D.y-_
62

AV =24, B. V=24 C.V-=

= 3
Loi giai
Chon C
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23

bay ABC la tam giac vuong can tai B vaAC = aN2 = BC = AC =—2 = =a.

ABB'C vudng tai B= BB = |(BC)’ - BC* =\94* —a* =2aV2.

3
v=Lip.s . =toaa.t.a - V2a
3 3 2 3

Vay thé tich cta khdi ling tru dimg ABC.A'B'C' 1a V =

V24°
;o

Céau 13. Cho hinh ling try dimg ABC.A'B'C’' c6 day ABC la tam giac vuong tai A4, biét AB=a,
AC =2a va A'B=3a . Tinh thé tich ctia khdi lang try ABC.A'B'C’.

2 2 3 3
A. \g“ . B. */53“ : C. V54, D. 2v24°.
Loi giai
Chon D
A’ C’
3a |B'
2a
A‘ —_— - ———— »C
a
B

+ Dién tich day la S, = %AB.AC = %.a.?_a =a’.

+ Tam gidc ABA’ vuong tai A néncd AA' =~ A'B* —AB* = 1/(341)2 —a® =2a\2.

+Thé tich can tinh 1a: V =S ,..44" = a*>2a2 =224’ .

Cau 14. (Gia Lai 2019) Cho hinh ling tru ding ABCD.A'B'C'D’ c¢6 ddy ABCD 1a hinh chit nhat,

AB=a, AD=a\2, AB' = a/5 (tham khao hinh v&). Tinh theo « thé tich ¥ cuta khéi lang tru
da cho.
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D' C’
A’ ! B
Db |
L C
A
3
A V=a'2. B.V=2d'\2. C.V=aJ10. D.V:2a3\/§.
Loi giai

Chon B
S pep = AB.AD = a.a\2 = a*2 .

2
Trong tam gidc ABB’, BB' =~ AB"”” — AB* = ,[(a\/g) —a’ =
Vay V =BB'S ., =2a.a°\2 =24°2 .

Ciu 15. Liang try tam giac déu c6 d6 dai tat ca cac canh bang 3. Thé tich khoi lang tru di cho bang:

= 4 2 4 2
Loi giai
Chon A
V393

Day hinh ling tru 1 tam giac déu canh bang 3 nén § = T T4

Chiéu cao cia hinh ling try bang /4 =3

Thé tich ¥ = Sh—i 3=—r— 27\/_
4 4
Ciu 16. (P& Tham Khao 2019) Thé tich cta khéi 1ap phuong canh 2a bing
A. 84’ B. 24’ C.a D. 64’
Loi giai
Chon A

Thé tich cia khdi 1ap phuong canh 2a bang: V = (241)3 =8a’

Cau17. (Mi 104 2019) Cho khéi ling try ding ABC.A'B'C' c6 day la tam gidc déu canh a va
AA'=~2a (minh hoa nhu hinh v& bén dudi).
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B
Thé tich cua khdi lang tru da cho bang
3 3 3 3
A. J6a . B. J6a . C. J6a . D. J6a .
2 4 6 12
Loi giai
Chon B
2
Taco: S, 5 :#.
Vay thé tich cua khdi lang tru di cho 1a
R ENE) a*\6
VABCAA’B’C’ = SAABC A" = aN2 = .
4 4
Cau 18. (Dé Tham Khao 2017) Thé tich cua khdi lang try tam giac déu co tht ca céac canh bﬁng a.
3 3 3 3
A.V:‘“B B.V:"\B C.Vza\ﬁ D.V:‘“B
12 2 4 6
Loi giai
Chon C
h=a
a3
2 =V=hS= .
s=4 V3 4
4

Cau 19. (Mai 110 2017) Cho khéi lang tru ding ABC.A'B'C' ¢6 BB =a, ddy ABC la tam giac vudng
cantai B va AC =a~/2. Tinh thé tich ¥/ cua khéi lang tru da cho.

3 3 3
a a

A =L B.v=_L C.V=d p.v=2L
3 2

Loi gidi
Chon B

Tam giac ABC vudng cantai B = AB=BC :£ =a.Suyra: S, =%a2.

2
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. 1 ’
Khido6: V pe yper =S 45 BB’ :Eaz.a =%

Cau20. (Mi 103 2019) Cho khéi liang try dimg ABC.A'B'C' c6 day la tam giac déu canh 2a va
AA'=3a (minh hoa nhu hinh v€ bén).

A’ (o

o

Thé tich ciia khdi lang try da cho bang

A. 633’ B. 334" C. 2\34°. D. V3d'.
Loi gidi

Chon B

Khdi lang try da cho co day 1a tam giac déu c6 dién tich 1a va chidu cao 1a 44'=3a (do

(2a)’3
4

%.Sa = 3\/7613

1a lang try dimg) nén co thé tich la

Céau 21. (Mai 101 -2019) Cho khbi ling try dimg ABC.A'B'C" ¢ day 1a tam giac déu
canha va A4'=3a (minh hoa hinh v& bén). Thé tich khéi lang try d cho bang.

A’ (o

3
A. B. L. c. 24 D.
2

a
e

Loi giai
Chon C

2
Ta co SABC:#; AA'=a 3.

\/_ 3a

Tirdo suy ra V = a~/3.4> e

CiAu22. (THPT Viét Dirc Ha Noi Niam 2019) Cho hinh ling tru ding ABC.A'B'C’ c¢6 day 1a tam giac
vuéng can tai B, AB=a va A'B=ax3 . Thé tich khéi lang try ABC.A'B'C’ 1a

3 3 3 3
a'V3 B. & c. L p. 2 2
2 6 2 2

Loi giai
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Chon D
Al ¢
BV
a3
AR c
a
B
2
Tacod AA' =NA'B*—AB* =a\2, S, = %ABz = "7
3
7 N 2
Thé tich khéi lang tru 1 ¥ = A4'.S . = #

Ciu 23. Cho hinh ling try dimg ABC.4A'B'C' c6 day la tam giac déu canh a, A'B tao v6i mat phang day
mot goc 60° . Thé tich khéi lang try ABC.A'B'C" bang

3 3 3 3
A2 B. L. c 3 D. 3%,
2 4 4
Loi gii
Chon C

a’\3

D4y l1a tam gidc déu canh a, c6 dién tich: S, . = ——

Vi 4A4' L (ABC)= A'BA=(A'B,(ABC))=60°, suy ra: A4'= ABtan60° = a3
Vay thé tich khéi lang try:

Viscapc =Sassc-A4'=

SN
Cau 24. Cho hinh lang tru dimg ABCD.A'B'C'D', day la hinh thang vudong tai A va D, cé
AB=2CD, AD = CD = a2, AA" = 2a . Thé tich khéi lang try da cho bing
A 124°. B. 64’ . C.2a . D. 4a’.
Loi giai
Chon B
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A B
I
12a
|
D <
1
I
I
A4 a8
/
/a2
/

Dién tich hinh thang ABCD la:

(AB+CD).AD (2CD+CD).AD 3CD.AD 3.a\2.a\2
S ipcp = 5 = ) = B = 5 -

Thé tich khdi lang try da cho: V =S ,,,,.44' =3a* 2a = 64’ .

3a’.

Ciu25. (Chuyén Lé Quy Pén Dién Bién 2019) Tinh thé tich khéi ling tru dung ABC.A'B'C’ biét
AA'=2a;AB =3a; AC =4a va AB 1 AC.
A. 124°. B. 44’ . C. 24a°. D. 8a’.
Loi giai

Chon A

Taco:§ ;. = %AB.AC = %3a.4a =6a’.

Vay Ve awe = A4S 1y =124,

Cau 26. (Hoi 8 trwong chuyén PBSH - 2019) Cho hinh lang tru ding ABCD.A'B'C'D" ¢6 day la hinh
thoi, biét 44’ =4a, AC =2a, BD =a . Thé tich ¥ cua khdi lang try la
AV =8a. B.V=2d". C.V==ad. D. V =4a’.

Chon D
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Cau 27.

Cau 28.

4a

2a -

Thé tich V' cta khéi lang tru 1a: V' =S ,.,.44" = %.A C.BD.AA' = %.2a.a.4a =4a’.

(THPT Phan Boi Chau - Nghé An 2019) Cho hinh hop diing c6 mot mat 1a hinh vuéng canh a

va mot mat c6 dién tich 1a 34 . Thé tich khdi hop 1a

A a’. B. 3a’. C.2a . D. 4a’.
Loi giai
Chon B
B c’
A4’ i
B c

A &

D

Gia sit mit ABB' A’ 1a hinh vudng canh bang a, mit ABCD c6 dién tich bang 34°.
Do d6 chiéu cao h=AA'=a, diéntichdayla B=S,,., =3a>.
Suy ra thé tich cta khdi hop d6 12 V =3a’a =34’ .

ABCD

(Chuyén Bic Giang 2019) Cho khdi hop chit nhat ABCD.A'B'C'D',

AB=a;BC=2a;AC' =a21 . Tinh thd tich ¥ cua khéi hop do?

A 4a’. B. 164’ . C.-a. D. 8a’.

Chon D
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Cau 29.

Cau 30.

Cau 31.

TAI LIEU ON THI THPTQG 2021
Xét tam giac vuong ABC , ta cd: AC =~ AB* +BC* = avs.
Xét tam giac vuong ACC', ta co: CC' =+ AC"* — AC* =4a.
Vay thé tich ctia kh6i hop hop chit nhat ABCD. A'B'C'D' 1a: V =a.2a.4a =84’ .

(THPT Thing Long 2019) Hinh 1ap phuong c6 do dai dudng chéo bang 6 thi co thé tich 1a

A. 242, B. 5442 . C. 2443. D. 8.
Léi giai
Chon C

Goi canh cua hinh 14p phuong 1a a(a > 0).

= duong chéo cua hinh 1dp phuong 1a a3
Theo bai ra ta co: av3=6=>a=243.

Viy thé tich cua khdi 14p phuong 1a: V = (2\/5 )3 =243

Cho khdi hop chit nhat A4BCD.A'B'C'D' ¢ AA'=a, AB =3a, AC = 5a . Thé tich ctia khbi hop da

cho la

A. 5a°. B. 4a°. C.124°. D. 154°.
Loi giai
Chon C
A’
B' LC
A ]
B C

Xét AABC vudngtai B, taco: BC= JAC* - AB* = \/(501)2 —(361)2 =4aq.

S scp = AB.BC =3a.4a=12a’

14 AA =12a* .a=124a".

ABCD.A'B'C'D’

=S

ABCD *

(HKI-NK HCM-2019) Cho hinh hdp dung c6 canh bén d6 dai 3a, day 1a hinh thoi canh a va co
mot goc 60°. Khi d6 thé tich khéi hop 1a

3 3 3 3
A.3“‘/§. B.“‘/g. C.“‘/g. Q.3‘“/§.
4 3 2 2
Loi giai
Chon D

Ta c6 chiéu cao h=3a.

Hinh thoi canh a va c6 mdt goc 60° c6 dién tich S =2.

NN
4

2

3a3\/§

Thé tich khdi hop 1a V = S.h = >
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Cau 32. (Chuyén Lam Son 2019) Cho hinh lang tru dtng ABC.A'B'C' ¢6 BB'=a, day ABC la tam

gidc vudng can tai B, AC = a~/2 . Tinh thé tich lang tru

B’

N
A

3
A. “? B. C. a. D.

Loi giai
Chon D

2
Trong AABC: AC* = AB® + BC* < 24B> = (aﬁ) < AB=BC=a.

3
Thé tich khéi lang tru ABC.A'B'C' 13: V . yper = Spupe-BB' = %AB.BC.BB’ = %

Ciu 33. (THPT Tran Pha 2019) Cho hinh ling try dtng ABCD.A'B'C'D’, c6 ABCD 1a hinh vudng
canh 2a, canh AC' = 2a~/3 .Thé tich khdi ling tru ABC.A'B'C’ bing

A. 4a’. B. 3a°. C.2a. D. a’.
Loi giai
Chon A
A' D'
|
B’ 1 N
| P
P
| P
x? ) - R | L —
/)4\ N D
Ve ~ ~
~
B C

Tacd: AC'* = AB* + AD* + AA"* = AA"* = 4a* = AA' =2a.
Thé tich khéi lang tru ABC.A’'B'C'1a

1

V E.AB.AD.AA/ = %.2a.2a.2a =4a’.

ABC.A'B'C’

Ciu 34. Cho lang try dimg ABC.A'B'C" ¢6 day ABC'la tam giac vudng can tai A v6i BC =a va mit
bén AA'B'B 1a hinh vudng. Thé tich khéi lang tru ABC.A'B'C"'bang

\/5 3 \/5 3 1 3

A —a’ . B.—a’. C.—a D. La3.
= 8 4 4 12
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Cau 35.

Cau 36.

TAI LIEU ON THI THPTQG 2021

Loi gii
Chon A.
A i
1T B
C a
CV
2
Tam giac ABC vudng cantai A = AB = B(;\/E = % = S.ze =%AB2 :a?.
a2

Mit bén AA'B'B la hinh vudng :AA':AB:T.
a2 @& &2
.

(Thing Long-Ha Noi 2019) Cho khdi da dién (kich thudc nhu hinh v& bén) duoc tao boi ba hinh
chit nhat va hai tam giac bang nhau.

Vay Vigcapcr =AA S pc =

Tinh thé tich khoi da dién da cho.
A. 48cm’ . B. 192cm’ . C. 32cm’. D. 96cm’ .
Loi giai
Chon D
Tir gia thiét, suy ra kh6i da dién 1a mot khéi lang tru ding co day 1a tam giac va cac mat bén 1a

hinh chit nhat.
Thé tich khéi da dién 1a ¥ = %.6.4.8 =96(cm’).
(Thi thir cum Viing Tau - 2019) Cho khéi lang tru tam gidc déu c6 tat ca cac canh bang a . Thé

tich khdi lang try d6 bang

a*\J6 a*\2 a3 a3

A 4 B. 4 c. 4 D. 12
Loi gidi
Chon C
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2 2 3
a3 s L, a3 a3
\/_,chleucaohza.Khldon ;/_az 4;/_

Dién tich day S =

Cau 37. (SP Pdng Nai - 2019) Cho hinh lang tru tam gidc déu ABC.A'B'C' ¢6 AB =2a, AA' = a/3 . Tinh
thé tich khéi ling tru ABC.A'B'C’.

3
A. 3d’. B.%. c.2. D. &*.

Chon A

A' C'

=3a’.

(2a) 3
4

Thé tich khéi lang try ABC.A'B'C': V = AA'S . = a /3.

Ciu 38. Cho hinh lang tru tam gidc déu ABC. A’B’'C’ c6 AB=2a, AA'= a~/3 . Tinh thé tich khbi lang tru

ABC. A'B'C",

3a’ a
A. 3d°. B. &’. c. D. —.

4 4
Loi gidi
Chon A
A c
83 B

Lang tru ABC. A’B’C’ 1a lang tru déu nén A4BC la tam giac déu va A4' L (ABC) .
e AA' L (ABC) = chiéu cao cia lang try 1a: 1= AA4'= a3,
*« AABC 1a tam giac déu c6 AB =2a = AABC dién tich la:
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Saasc = (AB‘T \/g (2a2: \/g = az\/g .

— Thé tich khdi lang tru 1a: V . = h.S, e = av3.a>\3 =3’

Ciu 39. (P& Minh Hoa 2020 Lan 1) Cho khéi lang tru dimg ABCD.A'B'C'D' c6 day 1a hinh thoi canh
a, BD=a+/3 va AA'=4a (minh hoa nhu hinh bén). Thé tich cua khdi lang tru da cho béng

_4: o
B i o
A D
B* C
3 3
A. 234, B. 434’ C. 2\/3361 . D. 4\/3561 .
Loi gidi
Chon A
A I
B i c
da i
A D
a 7N Pt
-~ ae-mTlav'd
- ’-’ - ""— I \\
B ¢
BD a3

Goi [ =ACNBD . Taco: ACJ_BD,BI:T— 2 . Xét tam giac vudng BAI vudngtai [ :

2 2 2
%} :a2_3L:“—3A1=%:>AC=a.

Al =BA>-BI’ =d* -
4 4

1 1 a\/§ azx/g

Dién tich hinh binh hanh ABCD: S ., =2S, ;- = 2.5BI.AC = 2.57.(1 =

A ! az\/g \/— 3
Vay: Visep aper = Sapep-A4' = > Aa=23a.
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Chuyén dé 11 THE TICH KHOI LANG TRU

Cau 1.

Cau 2.

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

Dang 1. Thé tich khoi ling
Cho hinh lang tru ding ABC.A'B'C' c¢6 day ABC la tam giac vudng can tai 4,
BC = a\/E, A'B tao véi day mot goc bang 60°. Thé tich ctia khoi lang try bang

3 3 3 3
A. V3a . B. V3a : c. 3 D. L.
2 4 2 2
Loi gidi
Chon A

B

ABC 1a tam gic vuong cintai 4, BC=a\2 = AB=AC=a =S, . :%a.a:%az.

A'B tao v6i ddy mot goc bing 60° = BA'B' = 60°.
ABA'B :tanBAB' =25 — 3= BB'= J34'B'= a3,

IB' -

3
Thé tich khéi lang try ABC.A'B'C'1a: V pe. ypce = BB'.S, pe = a\/g.%az = ‘/52“ :

(Ly Nhan Téng - Bac Ninh 2019) Cho khdi lang try dimg tam gidc ABC.A'B'C’ ¢6 day la mot
tam giac vuong tai 4. Cho AC = AB=2a, goc giita AC’ va mit phang (ABC) bang 30°. Tinh
thé tich khéi lang tru ABC.A'B'C’.

3 3 3 3
A.2“‘/§. B.“ﬁ. C.S“‘/g. 2.4“‘/5.
3 3 3 3
Loi giai
Chon D
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Cau 4.

Dién tich tam giac ABC: S ,,. = %AB.AC =2a’.

Hinh chiéu vuéng goc ctia AC" 1én (ABC) 1a AC.
= Goéc gitta AC' va mit phang (ABC) la géc tao boi gitta duong thing AC" va AC hay C'AC
Theo bai ra ¢6 C'AC =30°.

Xét tam gidc C'CA vudng tai C c¢6 CC'= AC.tan30° =

2a\/§
—3 .

2a\3 ) 4a°\3

Thé tich cua khéi lang try ABC.A'B'C' 13 V . yper = CC'.S 1y = 3 2a 3

Cho lang tru ding tam giac ABC.A'B'C' c¢6 day ABC la tam giac vudng can tai B véi
BA=BC =a, biét A'B tao v6i mat phfmg (ABC ) mot goc 60°. Thé tich khéi lang tru da cho

bang
3 3 3
A. 24°. B.“‘B. g.“‘ﬁ. ) Yy
6 2 2
Léi gidi
Chen C
A B!
N
AN
N C
N
Y
N
N
N
\\
I
e o~ /

Géc giita dudng thing A'B va mit phang (4BC) 1a A'BA=60"= A'A= AB.tan 60" = a+/3 .

1 a’ a’ \/§

C6 Sy =5 BABC ="V e e = Sype A' A==

(SGD Nam BPinh) Cho hinh lang tru dtng ABC.A'B'C" ¢6 day ABC la tam giac vudng tai 4,

ACB =30°, biét goc giita B'C va mit phing (ACC'A4") bang o théa min sina :ﬁ. Cho

khoang cach giira hai duong thing A'B va CC' bang a~/3 . Tinh thé tich ¥ cua khéi lang tru
ABC.A'B'C".
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3
AV =a’ 6. B.V=3"2‘£. C.V=a3. D. V=243.
Léi gidi
Chon D
A

* Taco: CC'//AA' = CC'//(AA'B'B)

Ma A'Bc(44'B'B), nén
d(CC';A'B)=d(CC';(44'B'B))=C'A'=a\3
*Taco: AC=A'C'=a\3;4B=4'B'=a;

a’\3

2

Dién tich day l1a B =dt(ABC)=

*DE thay A'B' [1 (ACC'4")

Géc gitta B'C vamit phing (ACC'4") 1a B'CA'=a
A'B' 1

L . &B'C=2a5
B'C 25

CC'=+\B'C*—B'C* =204> —4a* = 4a

sina =

* 2 s - \ ye ' az\/g 3
Thé tich lang trula V' = B.h vo1 h=CC'V = 5 Aa =2a’3.

(Chuyén Pai hoc Vinh - 2019) Cho hinh ling try tam giac déu ABC.A'B'C' c6 AB=a, goc
gitta duong thing 4'C va mit phang (ABC) bang 45°. Thé tich khoi lang tru ABC.4'B'C" bing

3 3 3 3
A.“‘/g. B.“‘/g. C.“‘/g. D.“‘/g.
=y 2 12 6

Loi giai
Chon A
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Ceé: W:@:w.

— !
Xét tam giac A'AC vuong tai A, tacod: tan A'CA = % = AA'=a.
NN

Thé tich khéi lang tru ABC.A'B'C'1a: V = AA'.S, 5. = a. 7 1

(Kinh Mén - Hai Dwong 2019) Cho hinh ling tru tam giac déu ABC.A'B'C' ¢6 AB=4a, gic
gifta duong thang A'C va mit phang (ABC) bang 45°. Thé tich khéi ling tru ABC.4'B'C’ bing

3 3 3
3 3 3
A.“I. B.“I. C.16a°3 . D.‘“f.
4 2 6
Loi gidi
Chon C
C A
//
//
B ///
yd
c LA’ 4a A
4a 4a

B
ABC.A'B'C’ 1a lang tru tam giac déu = ABC.A'B'C’ 14 lang try ding va day 1a tam giac déu.
Ta co:

A4 L(ABC)=(4'C,(4BC))= ACA=45" = ALAC vuong can tai A= A'A=AC =4a.

(4BY' V5 _(4a)' 3

Sue =ty == 4°\3 SV e e = AA'S, e = 4a.4a’3 =16a°3 .

(Ma 104 2017) Cho khdi liang try ding ABC.A'B'C' ¢ day ABC 1a tam giac can voi
AB=AC=a, BAC =120°. Mit phing (AB'C") tao véi ddy mot goc 60°. Tinh thé tich V cua
khdi lang try di cho.

Trang 4 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/
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3a’° 94° a’ 3a’°
. = D. V = T

Goi H la trung diém cua B'C’, khi d6 goc gittamp (AB'C') va day 1a goc AHA' = 60°.

1 az\/g
7

Taco S, 5c = EAC.AB.sin12O° =

B'C'=BC= \/A32 + AC* =2 A4B.AC.cos120° = \/az +d’ —2.a.a._7l —a3 = AH =2&M _4

B'C' 2
= AA'= A'H .tan 60° :g'

3
Vay V =S, 0p.AA = 3% .

(Chuyén Vinh Phic 2019) cho ling tru déu ABC.A'B'C'. Biét ring goc giita (A'BC)
va (ABC) 1a 30°, tam gidgc A'BC c6 dién tich bang 8. Tinh thé tich khéi ling
tru ABC.A'B'C'.

A. 83. B. 8. C. 343, D. 82.

Loi gidi

Chon A

bat AB = x,(x > O), goi M 1atrung diém BC .
(4'BC)=(4BC)=BC

Tacé { AM 1 BC = ((4'BC),(4BC)) = AMA=30°.
A'M 1 BC
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Cau 10.

Xt AAM . o6 AM =M W3 2 _
cos30° 2 3

SA'BCZSQ%A'M.BC:SQJCZ:16:>x:4

Suy ra A'AzAM.tan?’Oo:#.i—Z; S isc :@24\5.

B 4
Vay Vigeager = AAS pe = 2443 =813,
(THPT Thiéu Héa — Thanh Héa 2019) Cho ling try tam giac déu ABC.A'B'C' c6 dién tich

2

day bang a’~3 . Mit phang (A'BC ) hop v6i mit phang day mot goc 60°. Tinh thé tich khdi lang
tru ABC.A'B'C".

3 3 3 3
NERE g, ©3 ¢, 303 p, 342

8 8 12 8

Loi giai
Chon A
AI Cl

2

a = canh d4y bang a.

Vi day ABC 1a tam giac déu co dién tich bang

BC 1 AM
=BCLA'M

Goi M trung diém BC, ta co
BC 1 44"

Tirdo ta o ((4'BC),(4BC))=(A'M, AM )= A'MA=60"

Xét AA'AM tacd AA'= AM .tan 60° :%l

3
Thé tich lang try ABC.A'B'C' 14 V e jper = AA'S 15 =¥
(Hdi 8 truomg chuyén PBSH - 2019) Cho ling try tam giac déu ABC.A'B'C’ ¢6 canh day bang
a va AB' vudng goc voi BC'. Tinh thé tich ¥/ ctia khdi lang try di cho.
3 3
A.V:af. B.V:af.

Ta°

C.V=a3\/€. D.sz.

Loi giai
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Chon B

Pat x=BA, y=BC, z=BB', theo gia thiét 4B’ | BC' nén

ABBC =0 (z-3)(y+2)=00 zy+[ff ~xy-xz=05[] =xy
s [ = o7 cose = £ [ 32
Vay Ve ape = %AB.AC.sin 60°.BB' = €“3

Cau 11. Cho hinh ling try ding ABC.A'B'C" c6 ddy ABC la tam gidc déu canh bang a va (4'BC) hop
v6i mat day ABC mot goc 30°. Tinh thé tich ¥ cta khéi lang tru 4BC.A'B'C".
aS\/g a3x/§ B a3\/§ 34°

A V= . B. V= . C.V= . D.V=—o.
- 8 12 24 8

Chon A

Goi H 14 hinh chiéu vudng goéc cia A trén BC . Suyra AH L BC.
A'H 1 BC.

Ma (ABC)n(A'BC)=BC
= Goc giita (4'BC) va (ABC) bing goc (AH; A'H)= AHA' = 30°.

a3

Ta co: ABC 1atam giac déu canh bang a nén AH = — A'A= AH .tan30° = % .

Facebook Nguyén Vuong® https://www.facebook.com/phong.baovuongTrang 7
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a az\/§ . a3\/§

Thé tich khdi lang try ABC.A'B'C' 1a V =A"A.S, e = .

Cau 12. Cho lang tru ding ABC.A'B'C" c¢6 day ABC la tam giac vuong tai 4 va AB=a, AC = a3,
mit phing (A'BC ) tao voi day mot goc 30°. Thé tich cua khdi lang tru ABC.A'B'C’ biang

3 3 3 3
A.aﬁ. B.aﬁ. C.3\/§a. D.\Ea.
12 3 4 =4

Loi gidi
Chon D

* Xéc dinh goc giita mat phang (A'BC ) va mit phing day:

Trong mit phing (ABC ) ,dung AH 1 BC v6i H nam trén canh BC . Theo dinh Iy ba duong

vuodng goc, ta co: A'H L BC . Vay ((A'/BCW)z A'HA = 30°

* Xét tam giac ABC co: ! >= 12+ 12=%+L2:AH= a\/g'
AH®= AB® AC® a° 3a
2
Dién tich B cua tam giac ABC la: B= AB'2AC= a 2\/5

* Xét tam giac A'HA vudng tai A, ta c6: A'A= AH.tan30° =%. Thé tich khdi ling tru

az\/gﬁ_\/gas

2 2 4

ABC.A'B'C' bang V= B.h=

Cau 13. Cho hinh lang tru dung, c6 day ABC 1a tam gidc vudng can tai 4, AB:a\/E, gbc giira
mp(AB'C") va mp(ABC)bing 60°. Thé tich khéi lang tru bang
A 34, B. 3\34°. C.d. D. \3d’.
Loi gidi
Chon D
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Cau 14.

TAI LIEU ON THI THPTQG 2021
B C

R& -————--—---+4---- -

Goi I latrung diém cua canh B'C".

Ta c6 goc gitra mp(AB'C') va mp(ABC) bang goc giita mp(AB'C') va mp(A'B'C')

Tacé B'C'=(AB'C')N(4'B'C")

Vi ABC la tam giac vudng can tai 4 nén hai mat bén ABB'A' va ACC'A' la hai hinh chir nhat
bang nhau, do 36 AC'= AB'= AA4B'C" la tam giac cAntai 4 = Al 1 B'C"

Vi A4'B'C' la tam giac vudng can tai 4' nén A'/ 1 B'C'. Nhu vay goc gilra mp(AB'C') va
mp(A4BC) bing AI4' = 60°

Ta ¢ A'zzéBcza;»AA':A'l.tanéo(’ =a\3
1 2
= Viscape =AA4"S jye = a\/g.a(a\/i) — a3\/§

Cho hinh lang try déu ABC.A'B'C’ . Biét khoang cach tir diém C dén mét phang (4BC’) bang

a, goc gitta hai mat phang (4BC’) va (BCC'B') bang a voi cosa =—=. Tinh thé tich khéi

23
ling try ABC.A'B'C’.

3a3\/§

AV = .
4

3a3\/§

3 3
B.V = . a\2 3a'\2

D. V= .

C.V=

= 2 2 8
Loi giai

®
=
S
=
I=

Goi M,N lan lugt 1a trung diém cua 4B va BC
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AB L CC’ , , ,
0 = AB 1 (MCC')=(4BC’) L (MCC').
AB L CM
Ké CK vudng goc voi CM tai K thi ta duge CK 1 (4BC’), do d6 CK =d(C;(4BC"))=a.
bat BC =x,CC" = y,(x>0,y>0), ta dugc: CM:#
L, bt 4,1 1y
CM* CcC”? CK* 3x* y* a
Ké CEJ_BC'taiE,taduch/E\C:a,EC: KC: a :a\/g.
sinx \/1_1 11
12
111 11
Laico 5+—=—5=—7(2).
x>y CE 12a
Giai (1),(2) ta duge x=2a,y = a;/g.

Thé tich khéi lang tru ABC.4'B'C’ la:
N3 a6 4’3 324

4 2 4 2

V=y

Ciu 15. (THPT Minh Khai - 2019) Cho khbi ling tru tam giac déu ABC.A'B'C’ ¢c6 A'B= a6 , duong
thang A'B vudng gboc v6i duong thang B'C . Tinh thé tich khi ling tru da cho theo a .

3 3 3 9 3
A. a6 B. a’\/6. c. 2. p. 2%

3 4 4

Loi gidi
Chon A
4 D
/4"“:::::: ------------ D’
B e

Dung hinh hop ABCD.ABCD khi d6 tir giac ABCD 1a hinh thoi.
bit AB=x=>AD=x

Tam giac ABD c6 goc BAD =120° ap dung dinh ly c6sin ta co:
BD* = AB*> + AD* —=2AB.AD.cos BAD = x* + x* —2x.x.cos 120 = 3x’
Tacé: A'B=a\6=AD=a6

Taco: AD//B'C = A'B 1 A'D = AA'BD vudng tai A’

= BD*=A'B*+A'D* & 3x’ =12a> & x’=4a’=>x=2a

Chiéu cao hinh tru 44" = A'B> — AB* = 64> —4a* = 24> = A4 = a2
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1 1 1 V3 Jed?
=V e e == AA'S, e =—aN2.—2a2a. " = .
ABC.A'B'C 3 AABC 3 2 2 3
Ciu 16. (Chuyén Lam Son Thanh Héa 2019) Cho khéi lang try déu ABC.A'B'C"' ¢6 canh day bang a.
Khoang cach tir diém A' dén mit phang (AB'C ') bang 2\7%5 . Thé tich ctia khdi lang tru da cho
1a
3 3 3 3
VAL B, <3 c 4V D. 2%
4 6 - 2 2
Loi gii
Chon C
A C
NS
“\:'H N

Goi M 1a trung diém ctua B'C".
{AA'J_B'C'

r

Ta c6 = B'C'L(A4A'M) = (AB'C") L(A4A'M) theo giao tuyén AM .

A'M L B'C'
Ké A'H L AM trong mit phang (AA'M), suy ra :>A'HJ_(AB'C').

2a\/§
o

1 1 1 1 1 1 1
Ta co > = -+ = > = > = s=—3 > A'A=2a.
AH AL AM AL AH AM 4a
2 3
Viy thé tich khéi ling tru 1 V' = 44'.S ... =2a.2 f _4 f

Véy khoang cach tir 4' dén mit phang (4B'C") 1a A'H =

Cau 17. (Chuyén Vinh Phic - 2018)Cho lang try ding ABC.A'B'C' day la tam giac vudng can tai
B, AC = a2, biét goc gilra (A'BC) va day bang 60°. Tinh thé tich V' ctia khi lang tru.
a3 @3 @3 a’\6

A V= . B. V= . C.V= . D. V= .
- 2 3 6 6

Loi giai

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 11




NGUYEN BAO VUONG - 0946798489

Tam giac ABC vudng cantai B, AC = a2 = AB=BC=a.

2
a

SAABC = ? .
Géc giita (4'BC) va déy 1a goc A'BA=60".
A'A= AB.tan60" = a/3 .

. a3
Viscape =S, AA= ?a\/_ =

AABC*
2

Ciu 18. (Lién Trudng - Nghé An 2018) Cho hinh lang tru tam gidc déu ABC.4'B'C’ ¢b gbc giita hai mat
phang (A'BC) va (ABC) biang 60°, canh AB=a. Tinh thé tich ¥ cua khoi lang tru

ABC.A'B'C'.
A.V=§a3. B.V:%f. g.V:%a? D. V =3d’.

Goi M la trung diém cua BC suyra AM L BC (1)

= BC L A'M (2)

|BC L AM
Ta co
BC 1 A4’
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Cau 19.

Cau 20.

TAI LIEU ON THI THPTQG 2021
Miit khac (4BC)n(A4'BC)=BC (3)

T (1), (2), (3) suy ra ((4BC);(4'BC)) = AMA=60°.

a3 a3
4

va AM = .

Vi tam gidc 4BC déunén S e = 5

Tacd AA’=AM.tan6O°=37a.

3a a*\3 B 3a°\3

Vay Vipe ape = AA,'SAABC = B 4 3

(THPT Triéu Thi Trinh - 2018) Cho khdi ling tru tam giac déu ABC.4'B'C’ ¢6 canh day 13 a

va khoang céch tir 4 dén mit phing (4'BC) bing % . Thé tich cua khdi lang try bang:

3 3 3 3
A.3‘/5a. B.‘/Ea . g.3‘“5. D.3‘“E.
12 16 16 48
Loi giai
4 c
o~
\\4" 4___4‘;‘/,//%7’
By <H
4"::: AR S A—— P

Goi 7 1a trung diém ctia BC va H 1a hinh chiéu vuong goc cia A trén A'T . Khi d6 ta co:
a
d(A4,(4A'BC))=AH =—.
(4(4BC)) = ati =

Trong tam giac vudng AA'l ta co:

Pttt o1 b1 4 48

AH?  AA”  AI* ~ AA?  AH® Al (ajz w3 @ 3d 3
2 2

Suyra: AA'= a46 .

2 3
Thé tich khéi lang tru 1a: 7 = 8,0 44" = 9V a6 _3aV2
4 4 16
(THPT Tw Ky - Hai Dwong - 2018) Cho khdi lang try dimg ABC.A'B'C’ ¢6 ddy ABC la tam
giac can voi AB = AC =a, BAC =120° , mit phang (4'BC") tao vé6i day mot goc 60°. Tinh thé
tich cua khéi lang tru di cho
3 3 3 3
A V=22 B. V=29 C. V3a . Q.V=3\/§a .
8 8 8 8
Loi giai
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BV p— — —

AI
7

Ha BT LA'C'.Khi dta c6 (4BC')(4BC))= BB =60°

B'I a3

Vi BA'C' =120° = B'A'l =60°. Do d6 sin60°=ﬂ<:>3’l:—.

2
Suy ra tanl?ﬁ?zﬁ<::>1:an60°:E <:>BB’=&.\/§=3—CZ
B B 2 2
1 1 a az\/g
Mit khac S, ,,. =—.AI.BC=—.>-.a\J3 = .
IS Pause =5 272 4
2 3
Vay thé tich khéi chép 1a ¥ = Bh=2 y 3 ."?3= 3@" .

Ciu21. (THPT Yén Lac - 2018) Cho hinh ling try déu ABC.A'B'C’ c6 canh day bang a . Pudng thing
AB' tao v6i mit phang (BCC'B'") mét goc 30°. Thé tich khoi ling tru ABC.A'B'C’ theo a.
3a’ a’\6 a’\6

3
A 2L B. L. C. . D. .
4 4 12 =4

Loi giai

Goi M 1a trung diém ciia canh BC. Do ABC.A'B'C' 14 hinh ling try tam giac déu nén ta co
AM L (BCC'B') = (A4B',(BCC'B')) = AB'M =30°.
AM B AM 3a

Xét tam gidc vuéng AB'M tacd tan30°=—— < 4B’ = < AB'=—.
AB' tan 30° 2

2 2
Xét tam giac vuong B'BM tacd BB =~ B'M’-BM* =, /9%—% a2 .
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1 an/g

Thé tich khéi lang tru ABC.A'B'C' 13 V .y :EAB.AC.sin 60°.BB' = 2

Ciu 22. (THPT Xuén Hoa - 2018) Cho hinh ling tru dimg ABC.A'B'C’, biét ddy ABC la tam gidc déu
canh a. Khoang céch tir tim O cua tam gidc ABC dén mit phang (A'BC) bang %. Tinh thé

tich khi lang try ABC.A'B'C’.

3 3 3 3
A.3a‘/§. B.3a‘/§. C.3a‘/§. 2.3‘“/5.
8 28 4 16
Loi gidi
a*\3

Diéntichdayla B=S,,, . =——

Chiu cao 1a h=d ((ABC);(A'B'C"))=A4'.
Do tam gidc ABC 1a tam giac déu nén O 1a trong tAm cta tam gidc ABC . Goi I 1a trung diém
ciia BC, H 1a hinh chiéu vuong goc ciia 4 1én A' taco AH L (A'BC)=>d(4;(A'BC))=AH

A' C’

d(0;(4BC)) 10 1
d(4;(4BC)) 14 3

Xét tam giac A'Al vudng tai A4 ta co:
1 11 1 11 a3 a3 32

LI - e ad —p=N Ly =
AH?  AA” A A4” AH? AL 22 N 1)

Ciu 23. (THPT Hoang Mai - Nghé An - 2018) Cho mot ling tru tam giac déu ABC.4'B'C’ c6 canh day
bang a, goc gitra A'C va miat phing day bang 60°. Tinh dién tich xung quanh S, cua hinh nén

c6 day 1a duong tron ndi tiép tam giac ABC va dinh 13 trong tim cta tam giac 4'B'C’.
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Cau l.

2 2
A5 =FAN33 g p. 5, —ZeNIl
ST Y
A’ B’
Gl
A1\
TR
/1 \¢
11 1 I\
I 1|\
0 WU
A = I/:L )~ B
( Lo
| AS~ )
c~-\N_|.--/ M
C
Tacé (A'C;(ABC))= A'CA=60° suyra A4 = AC.tan60°=+3a.
111
C()r:GM:%AM:%fT:‘fa Vi 1= GM -GG +GM* = [3a> +2% 2
Vay S, =7Z'I”l=7f.£ a. ra 333.
» 6 6 36

Dang 2. Thé tich khoi liing tru xién

(Sé Binh Phwéc 2019) Cho hinh ling tru A4BC.A'B'C’ c¢6 tat ca cac canh bang a, cic canh bén
tao voi day goc 60°. Tinh thé tich khdi ling tru ABC.A'B'C’bang

3 3 3
a3 B. 2% c. 43 D. =
24 - 8 8 8
Léi giai
Chon B
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Cau 2.

TAI LIEU ON THI THPTQG 2021

S

o B’

R L T e ]

Ké AH' L (ABC)=>(4'4,(ABC))= A'AH =60°.

A'H ) a\/§
5

Xét AAHA' : sin 60° = e < A'H = AA'.sin 60° =

2 3
Thé tich khéi ling try ABC.A'B'C':V =S, 0 A'H =2 , 3 .“f = 3%
(THPT Thiing Long - Ha Ngi - 2018) Cho ling try ABC.A'B'C' ¢6 ddy ABC la tam gic déu
canh bang a, biét A/’A= A'B= A'C = a. Tinh thé tich khbi ling tru ABC.A'B'C"?
3 3 3 3

A3 g.“‘/z. c. @3 p. L.

4 4 4 4

Loi giai

B
Goi H la trong tAm tam gidc ABC . Theo gia thiét ta c6 ABC la tam giac déu canh bang a va
AA=AB=AC=a nén A .ABC lati dién déu canh a = A'H L (ABC) hay A'H la duong cao

ctia khdi chop A'.ABC .

Xét tam giac vuong A'HA tacdo A H=~NA'A> - AH* = a;/g_

2
Dién tich tam gidc ABC 1a S ;. = %a.a.sin 60° =2 f )

2 3
Thé tich khéi lang tru ABC.A'B'C' 13 V . e =— ” 3 “\f _4a f ‘

(HSG Bic Ninh 2019) Cho hinh ling try ABC.A'B'C’'c6 day ABC la tam giac vudng cén tai
A, AC =22, biét goc gitta AC' va (ABC) bing 60° v AC'=4. Tinh thé tich ¥ cua khéi lang
tru ABC.AB'C'.
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AV=S B. =10 C.V=@ D. 83
3 3 3
Loi giai
A’ C’
™ )
|\ =T
\ n\?/’//,/ j- \
\ B \ \
| \ P\
\ \ i\
VA P
\L' gl W ,..-:H l
AT T
M \ /////’//
\\\‘P/’///
B

Goi H 1a hinh chiéu cua C' 1én mit phing (ABC), khi d6 C'H 1a duong cao
— AC',(ABC)=C'4H = 60"
Xét tam giac vuong AC'H tacoé C'H =C'A.sin60° =2+/3

1 2
Khi d6 V. e = S,.C'H = E(2\/5 ) 2V3=8{3

Cau4. (Gia Binh 2019) Cho ling try tam gidc ABC.A'B'C"' c6 day la tam giac déu canh a, goc giira
canh bén va miat day bang 30°. Hinh chiéu ctia 4' 1én (ABC ) 1a trung diém 7 ctia BC. Tinh thé

tich khéi lang tru
a3\/§ B a3\/§ a3 D a3\/§

A. .
2 12 8 6

Chon C

Taco A'1 L (ABC) = AI 1a hinh chiéu vudng goc ctia A4' 1én (ABC)
Nén (W))=(A/A',\M)=/TA\I=3OO

a3 a’\3

Taco Al === A'I= Al tan30° =%,SMBC =

a*~3 g_asx/g

Vay Ve spe = R 3
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(Nguyén Khuyén 2019) M6t khoi lang tru tam gidc c6 day 1a tam giac d€u canh bang 3, canh

Cau 5.
bén bing 2+/3 tao v6i mit phing day mot goc 30°. Khi do thé tich khdi lang tru 1a:
A2 B. 2 c. 23 p. 23
4 = 4 4 4
Loi giai
Chon B
B
Goi H 1a hinh chiéu ctia 4’ 1én mit day. Suy ra goc A'AH =30°
sin30° = 41 = 4 45in30° = 2\6.% =3
. V3 27
Khi d6: V0 ppe =3 ~— A3 =2
4 4
Cau6.  (Chuyén Bén Tre - 2020) Cho hinh hop ABCD.A'B'C'D’ ¢6 cic canh bing 2a. Biét BAD = 60",
A'AB = A AD =120°. Tinh thé tich V' cta khdi hop ABCD.A'B'C'D' .
A. 4243 B. 24/24°. C. 8%, D. V24°.
Loi giai
Chon A

Tir gia thuyét ta c6 cac tam giac AABD , AA'AD va A'AB 1a cic tam giac déu.
= A'A=A'B=A'D nén hinh chiéu A cia A’ trén mdt phang (4BCD) 1a tim duong tron ngoai

tiép tam giac déu ABD.
2. 3 243

=>AH =—2a—=——a
3 2 3
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= AH=NAA*-AH* = 2‘f a.
2
= 2\/8 al. 4a \/§ = 4x/§a3.

ABCD — 3 4

Thé tich cua khdi hop ABCD.A'B'C'D': V = A'H.S

(SGD Gia Lai 2019) Cho hinh lang try ABC.A’'B'C’ ¢ day 1a tam giac déu canh bang 2. Hinh
chiéu vudng goc cia A4’ 1én mit phiang (ABC) trung véi trung diém H cua canh BC. Goc tao
b6i canh bén 4’4 v6i day bang 45°(hinh v& bén). Tinh thé tich ¥ cua khdi ling tru
ABC.A'B'C'.

A.Vzﬁ. B. V =1. C.Vzﬁ. D.V=3.

24 8

Loi gidi

Chon D
Theé tich cta khoi lang try ABC.A'B'C": V ;0 yper = S po-A'H
Ta co

43
S i5c :i:‘/g

4
A'H

tan45' =2 = A'H = AH =3
AH
Viy thé tich khéi lang try ABC.A'B'C’ bang: V. yper =S ype-A'H =33 =3

Cho lang try tam gidc ABC.A'B'C' ¢6 day ABC la tam giac déu canh 4, hinh chiéu cia A’
xudng (4BC) 1a thm O duong tron ngoai tiep tam gidc ABC . Biét A4’ hop véi ddy (ABC) mét

goc 60", thé tich khéi lang try 1a

3 3 3 3
A.a\@. B.3a\/§. C.a\@. D.“\B.
4 4 12 36
Loi gidi
Chon A

Trang 20 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

C

a3

aV3 va AO=§AM:T.

Goi M 1a trung diém canh BC. Khi d6 AM =
Do A'0 L(4BC) tai diém O nén AO la hinh chiéu vudng goc ctia A4’ xubng (ABC). Suy ra

goc gitra duong thing 44’ va (ABC) 1a goc A'40, suy ra A40=60".

Xét AA'AO vuong tai O tacd A'O = AO.tan 60 = a;/g B=a.
NN

Vay thé tich khdi lang trula V'=A4'0-S, .. =a- J J
(THPT Ngé Quyén - Ba Vi - Hai Phong 2019) Cho ling tru tam giac ABC.A'B'C’' c6 day la
tam gidc déu canh a. DO dai canh bén bing 4a. Mit phang (BCC'B') vudng géc véi ddy va

a*\3

3
a\/§. D. .
6

B'BC=30°. Thé tich khéi chop ACC'B' 1a:
a3

3
a3
A. . B. .
2 12 18
Loi gii
A’
1
1
B’ ! c’
"
1
,I
4
/A\\\
B H B C

Chon D
Ta c6 (BCC’B') 1 (ABC) (gt).
Ha B'H L BC=B'H 1(ABC) va BBH =BBC=30°
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Suy ra chiéu cao cua lang tru ABC.A'B'C' 1a: h=B'H = BB'.sin30°=2a.

2
Dién tich day 1a S, = #.
2 3
Thé tich ctia khéi lang tru 1a: V,, = S,,, h = ;/— =2 f
1 a3\/§

Thé tich khéi chép A.CC'B’ la: V=§VLT =

Ciu 10. (D& thir nghiém 2017) Cho ling try tam gidc A4BC.A'B'C’ c6 ddy ABC 1a tam giac vudng can tai
A, canh AC=2\/§. Biét AC' tao véi mat phang (ABC) mot goc 60° va AC' =4 . Tinh thé
tich ¥ cua khdi da dién ABCB'C’.

1
A. V:§ B. V:E C. V:% 2. Vv:6—\/§
3 3 3 3

Loi giai

Chon D

23

Phin tich: Tinh thé tich cua khdi da dién 4BCB'C’ bang thé tich khéi cua lang tru ABC.A'B'C’
trir di thé tich ciia khdi chop 44 BC'.

Gia st duong cao ciia lang tru 1 C'H. Khi d6 goc gitta AC'mit phang (A4BC) 1a goc CAH=60°.

’

Ta c6: sin 60° = % = C'H =23;8, 50 =43 Vipe ywer = CH.S, 1y = 2\/5.%.(2&)2 =83

1 1 83 8o 8«/_ _16V3

—— ’ —_ —_— . —
VA.A'B'C' - 3 CHSAABC - 3 ‘VABC,A'B'C' - 3 ’ VABB’C'C - I/ABC.A'B'C' A A'B'C' 3

Cau 11. (THPT Hoang Hoa Tham - Hung Yén 2019) Cho lang tru tam gidc 4BC.4'B'C'c6 d¢ dai canh
bén bang 8a va khoang cach tir diém A dén cac duong thang BB',CC’ lan lugt bang 2a va 4a.
Biét goc giita hai mat phang (4BB'A’) va (ACC'A") bang 60°. Tinh thé tich khéi ling tru

ABC.A'B'C".
%\/ng. B. 834’ C. 243a’. D. 1634’
Loi giai
Chon D
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Goi H, K 1an luot 1a hinh chiéu vudng goc cua 4 trén BB',CC'.

Taco HA L BB', KA1 CC'= A'A L (AHK) do d6 ZAHK =60°.

Khi d6 HK®> = AK*> + AH® —2AK.AH .cos60° =12a° = AK’ = HK’ + AH”. Suy ra tam giac
AHK vudng tai H .

Goi H', K’ lan lugt 14 hinh chiéu vudng goc cta 4’ trén BB',CC". Tacod V, yourr =Vipcxur

Khi d6 V. =V e = AA'S e =163

ABC.A'B'C’

Ciu 12. (Chuyén - KHTN - Ha Ndi - 2019) Cho hinh ling tru 4BC.A'B'C’' ¢6 ddy ABC la tam giac déu
canh a, hinh chiéu vudng goc cia A’ trén (ABC ) 1a trung diém canh AB, goc giita dudong thang
A'C va mit phing day bang 60°. Thé tich khéi ling tru ABC.A'B'C' bang

\/Ea3 \/ga3 3\/§a3 3\/§a3

A. B. . C. D.

4 4 = 8 4
Loi giai
Chon C
A B
AN
4N )
/N e
/] X P 4
// ] ! \\ (-‘/
/ H 3 //:’,/
[+ ) d
/ %/ :’ // /
/ A / 3
/ 5l v/ 7
{4 /
A 4:’. ..... z-.{_.zf’;?z;; ...... T /B
\, w4
AN / 609'/ a
. K7
N
1Y \k// A
o

Goi H 14 hinh chiéu vudng goc ciia 4’ trén mit phang (ABC )
Taco: AH L (ABC) = HC 1a hinh chiéu vuéng goc ctia 4'C 1én mat phang (ABC).
= (A'C,(4BC))=(4'C,HC)= ACH = 60"

:‘1\/§

2

CcH

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 23




NGUYEN BAO VUONG - 0946798489

Cau 13.

Cau 14.

aﬁ\/—_3_a az\/g
2 2 '

Xét tam giac vudng A'HC , ta c6: A'H = CH.tan 60° = s S pe = 2

2 3
Vay thé tich cta khéi ling tru ABC.A'B'C’ 1a: V. -5 AH=2 3 da_ 33 .

ABC.AB'C' = P 4BC
4 2 8

(H9i 8 trudng chuyén PBSH - 2019) Cho lang try ABC.4,B,C, c¢6 dién tich mit bén (ABBA4,)
bang 4, khoang cach giita canh CC, dén mit phang (ABBlAl) bang 6. Tinh thé tich khéi lang try
ABC.AB,C,.

A 12, B. 18. C. 24. D.9.
Loi gidi
Chon A
A
C
B
A Ci
B

Taco: Vo ipp 0 = %d(C,(ABBlAI ))-S

O 4BB 4,

= %.4.6 =8 (dvtt)

1 2

VCAABBIAI = VABC‘AIBICI - VC‘CIBIAI = VABC‘AIBICI _5 VABCAA]B]C] = g VABCAA]B]C]

= VABC.AlBlcl = %'VC.AB&AI = %-8 =12 (dvtt)

(chuyén Hung Vwong Gia Lai 2019) Cho khdi ling tru ABC.4'B'C’, tam giac A'BC c6 dién tich
bang 1 va khoang cach tir 4 dén mit phiang (A'BC) bang 2. Thé tich khéi lang tru da cho bang
A. 6. B. 3. C.2. D. 1.

Loi giai

Chon C

B
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Cau 15.

Cau 16.

TAI LIEU ON THI THPTQG 2021
Goi H la hinh chiéu vudng goc cua A’ trén mp(ABC) suy ra A'H 1a chiéu cao cua lang tru.
Xét khéi chop A.4'BC ¢6 dién tich ddy B=S,,. =1, chiducao h=d(4,(4'BC))=2 suyra
thé

tich ctia khdi chép A.A'BC 1AV, .0 = %Bh = % 1.2 =§.
Vo=V, =is  am=2 2

Mat khéC A.A'BC A'.ABC 3 ABC* 3 — VABC'A'BlC’ _ 3VA'A'BC — 35 — 2 ]
Viscaowe = SABC A'H

* Cach khac.
Ta thay lang try ABC.A'B'C" dugc chia thanh ba khdi chop co thé thich bang nhau 1a
A'.ABC, A" BCB', A'.B'C'C.

. 1 1 2 2
MaV, pe=Vipsge==Bh==12==suyra V. opc =3V, ypc =3.=-=2.

3 3 3 3

(Pai hoc Hong Pirc —Thanh Héa — 2019) Mot khdi lang try tam gidc co day la tam gidc déu
canh 3, canh bén bing 2+/3 va tao véi mit phing day mot goc 60°. Khi d6 thé tich khéi lang tru
1a?

A2l B 23 ¢ 793 D. 2.
4 4 = 4 4
Loi giai
Chon C
A, ¢’
B

B

Goi H 1a hinh chiéu vudng géc cia C' xubng mp(ABC), khi d6 goc hop béi CC’ va

mp(ABC) 1a C'CH . Theo d& bai: C'CH = 60° = C'H = C'C.sin 60° = 2@.? =3,

Lai c6 AABC déu canhbang3 nén S . = g.Sz = %
Dodo Ve yper =S ,50-C'H = %3 = # Chon C.

(Sé Ha Ngi 2019) Cho lang try ABC.A'B'C"' c6 day ABC 1a tam giac vuong tai B, duong cao
BH .Biét A'H L(ABC) va AB=1,4C =2, 44'=~/2 . Thé tich cua khdi lang tru da cho bing

N 7 V21 3J7
A Y2 Y7 c Y= p. 37
12 4 4 4
Loi giai
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B
Tam giac ABC vuodngtai B c6 AB=1;AC =2 nén BC=+2" - =3.

Do dai ctia dwong cao BH : BH = Ai.gC =§. Suy ra AH =§I\/_=

2

1

Khi d6 d6 dai dudong cao A'H cua hinh ling tru bang : 4'H =~ AA"— AH* = 2—%2?.

Thé tich khéi lang tru da cho bing : V = %AB.BC.A 'H = %.1 3 ? = @ .
Ciu 17. (THPT Lwong Thé Vinh Ha Ni 2019) Cho hinh ling tru ABC.A'B'C" ¢6 day 1a tam giac déu
canh a, goc gita canh bén va mit phing day bang 30°. Hinh chiéu cia 4' xubng (4BC) 1a

trung diém BC . Tinh thé tich khéi lang tru ABC.A'B'C".

3 3 3 3
A.“*/g B. L C.“*/g D.“*/g
8 8 24 4
Loi gidi
Chon A

Goi H 1a trung diém BC suyra A'H 1 (ABC)
Taco (4'4,(ABC))=(4'4,AH)= A'AH =30

Taco AH = a3
2
2
Taco A'H = AH .tan 30" :% va S, :#

a*\3

Vay V=A'HS . = ——
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Cau 18.

Cau 19.

TAI LIEU ON THI THPTQG 2021
(THPT Viét Pirec Ha Ngi 2019) Cho hinh lang tru ABCD.A'B'C'D' ¢6 day ABCD 1a hinh thoi
canh a ,Zﬁ? =60°. Chan dudng cao ha tir B’ trung véi tdim O cua ddy ABCD; goc gilra mat
phang (BB'C'C) véi ddy bang 60°. Thé tich lang tru bing:

3 3 3 3
A 3a°\3 B 2 3 c 3 J2 p. 34
8 9 8 4
Loi giai

CF

Dl

) C

D
ABCD 14 hinh thoi nén 4B = BC . Lai c6 ABC =60° nén A4BC 1a tam gidc déu. OH L BC.
Goc gitta mat phing (BB'C'C) voi day khi do 1a B'HO = 60°.

Tacé 1 2= 1 7t 1 2= 12 +L2:i2+iz=1_62-30H:a\/§
OH” OB° OC" 3a” a 3a° a 3a 4
4 4
Theo gia thiét, B'O 1a dudng cao lang try ABCD.A'B'C'D' .
B'O = OH.tan B'HO = —af tan 60° = %Ta'
az\/g 3a 3a3\/§
Visco amen = Sday h= 2 T = 3

(THPT L& Quy Pon Pién Bién 2019) Cho liang tru ABC.A'B'C’ ¢b day 1a tam giac déu canha,

hinh chiéu vuéng goc ciia diém 4’ 1én mat phang (ABC ) trung voi trong tam tam giac ABC.
<& , , i~ . N 2 s M a\/g , A .r , L.
Biét khoang céach gitta hai duong thang 44> va BC bang e Tinh theo a thé tich cua khoi

lang tru da cho.

3 3 3 3
A."“/g B."“/g C.‘“/g Q.“ﬁ
3 24 6 12
Loi giai
Chon D
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Cau 20.

A’ lold
/‘TT"\\ /{7’
e ~— o/
/S \*\\\\ )
Yo T~ B/
/ H >
Iff?/\ ; // //
/ AN : //,
/ o /'/
/ . /
/" [HNE /
AR &
\\\\\ "‘rl-_,
h ~_ G
BC L AM '
Ta co (> BC 1 A4
BC 1 A'G

Ké MH 1 AA' tai H, suy ra MH 1a doan vudng goc chung cua giita hai dudng thing 44’ va
BC

Tam gidc MHA vuong tai Hcd6 AH =~ AM’ — AH’ =%a

. A' A MH .GA
Tam giac 4'GA dong dang tam giac MHA nén 46 _0o4 =>A'G= GA_a

MH HA HA 3
a*\3

12

Thé tich khéi lang trula V' =S ,,..4'G =

ABC

(Toan Hoc Tudi Tré 2019) Cho hinh ling tru ABC.A’'B'C’ ¢6 AA' =2a, tam gidc ABC vudng
tai C va BAC = 60°, goc giita canh bén BB’ va mit day (ABC) bang 60°. Hinh chiéu vudng
goc cua B’ 1én mit phéng (ABC ) trung voi trong tim cia tam gidc ABC . Thé tich cua khdi tir

dién A'.ABC theo a bing

3 3 3 3
A 2L B. 2% c. 2z, p. 2%
208 26 26 208
Loi gidi

Ta co

B'G = BB'sin 60° = 2a.§ — a3

BG = BB'cos60°=2a.~ =a = Bl => BG =2
2 2 2
Pit AC =2x (x>0)= CI = x;BC = AC.tan 60° = 2x+/3 .
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Khi d6
2 2
e +(2x\/§)2 — [3_"] e x= 3a\13 = S, e :lAC.BC:l.2.3a\/B .2.3”“/B B= */5.
2 26 2 27 26 26 26
. 1 9a2\/§ 9a°
Vay V, isc 23. % .a\/§:2—6

Cau 21. (THPT Thiéu Hoa — Thanh Hoéa 2019) Cho lang tru tam giac ABC.A'B'C"' ¢6 day ABC la tam
gidc déu canh @ . Hinh chiéu cia diém A' trén mit phiang (ABC) tring vao trong tim G cla tam

2
gidic ABC. Biét tam gidc A'BB' c6 dién tich bang 2a3\/§ . Tinh thé tich khdi lang tru
ABC.A'B'C".
3 3 3 3
AL 6a’\2 B. 3a°\7 C. 3a°5 D. 3a°\3
7 8 8 8
Loi giai
Chon B
C ® o B
[ /\
\ ~_ / \
\ ~ // \
\\ ~__ / \\\
\ ™ ./ \
\\ o ‘\.A ./ \\
‘\ \\?g\ \
\ E\ \
\\ 3 \\\\ \
\ AN \
\\ \\ \\ \\
LS N S S N »B
\\\:“ —~—_ ,\ ‘\, ) i\' ,r/
- -- #:\IT - '\; \ K
e G TNy
~ \
\\\ \'\ H/
A
. |ABLCM
+Ta ¢6 = AB L (A'CM)= AB L A'M
1AM
2
Nén S, =~ A'M.AB =24 B gy dal3
2 3 3
Do AABC déu canh bang a nén GM =%CM = af
V21

+ Trong AA'GM vuéng tai G tacod A'G =~/ A'M? — GM> ="T

a2l N3 3a\7
2 -

Vay Ve vpe = AG.dt(AABC) = 7 :

Cau22. (Cum lién truomg Hai Phong 2019) Cho hinh ling tru ABC.A'B'C’ c6 day ABC 1a tam giac

vudng can tai B va AC =2a. Hinh chiéu vuéng géc cia A’ trén mit phang (4BC) 1a trung

diém H ciacanh 4B va AA' = a~/2 . Tinh thé tich ¥ ciia khéi lang tru da cho.

3 3
A.V:“f. g.V:“;/g.

C.V:2a2x/§. D.V:a3\/§.
Loi giai
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Cau 23.

Chon B

A fo!

Tam giac ABC vuong can tai B canh AC =2a nén suy ra AB=a+/2, c6 dién tich day
1, 25

SAABC —EAB —5((1\/5) =a .

H 1a hinh chiéu vudng goc ctia 4" trén mit phang (ABC ) nén A'H 1a chiéu cao ctia khéi lang

tru. Thé tich1a V' = A"H.S, ..
5 2 2
H 1a trung diém cua canh 4B = AH = a*f = AH=A44" — 40> = 2" - % = M.

4 2
a6 . a6

2 2

Suyra V=A"HS, ;=

(THPT Tran Phi 2019) Cho ling tru ABC.A'B'C' ¢6 day 1a tam giac déu canh 2a, canh bén
AA' = 2a . Hinh chiéu vudng goc ciia 4’ 1én mit phang (ABC ) 1a trung diém BC. Thé tich cia
khéi lang tru di cho la
A. 3. B. 24°4/3. C. 3a°\2. D. 24° /6.

Loi giai
Chon A

2a

2a

B
Goi H 1a hinh chiéu ciia A4' trén mat phang (ABC ) ,suy ra H la trung diém cia BC .
Tam giac ABC déu canh 2a,suy ra AH = a3
Puong cao hinh lang try: h= A'H =+/4a” —3a” =a

Vay thé tich lang tru: V =S, ,0.h = %AH.BC.A'H = %a\/gla.a =d’\3.
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Cau 24.

Cau 25.

TAI LIEU ON THI THPTQG 2021
Cho hinh lang try ABC.A'B'C' ¢6 ddy ABC la tam giac déu canh a, AA' = %Z. Biét rang hinh

chiéu vuong goc cua diém A4’ 1én mit phang (ABC ) 1a trung diém cta canh BC . Tinh thé tich ¥

ctia khéi lang tru d6 theo a.

3 3
A.V:a3\/§. B.y 2% Q.V:3“ . D.V=4d.
2 3 42
Loi gidi
Chon C
Al
BV
A
B
N
M
&

Goi M 1a trung diém cua BC.

o i

Theo bai ra ABC 1a tam giac déu canh @ nén: AM :T; Ssc = 2

Hinh chiéu vudng goc ciia diém 4’ 1én mit phing (ABC ) 1a trung diém M cua canh BC nén

c6: A'M L(ABC); AM L BC.

2 2

2 2
Xét tam gidc A'MA vudngtai M : A'M =~ AA? — AM* = \/[%j —[&J = a6 )

: : a6 a*\3 34’
Thé tich cua khoi lang tru ABC.A'B'C' 1a: V. oo =A'M.S . = . = .
g L ABC.A'B'C ABC ) 4 42
(Ngé Quyén - Hai Phong 2019) Cho hinh ling tru ABC.A'B'C’ c6 day 1a tam gidc vudng can
dinh 4, AB=a, AA'=2a, hinh chiéu vudng géc ciia 4’ 1én mit phing (4BC) 1a trung diém
H cia canh BC. Thé tich ctia khdi ling truy A4BC.A'B'C’ bang
14 14 a7 @3
. B. . C. . D. .
2 - 4 4 2
Loi giai

A.

Chon B
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a2

1
Tam giac ABC vuodng can tai A= BC = a\/z; AH ZEBC = 5

A'H L(ABC)= A'H L AH

2
Trong tam gidc AA'H vuéng tai H tacd: A H =~ AA” — AH* = |4a” - ZZ = a@.

MR

S5 1
Ciu 26. (SGD Hung Yén) Cho lang tru ABC.A'B'C' ¢6 ddy ABC 1a tam giac déu canh @, d6 dai canh

Vay Vipeupe = AH.S 50 =a

bén bing ?a’ hinh chiéu cua dinh 4’ trén mit phing (A4BC) trung véi trong tim cla tam gidc

ABC . Thé tich khdi lang truy ABC.A'B'C’ bang:

3 3 3 3
A.‘“/g. B.‘“/g. C.‘“/g. D.a‘/g.
36 6 =12 24
Loi gidi
Chon C

Goi G la trong tam cua tam giac ABC . Ta co:

2 2 2
AG:%A[:Q;A'(;Z:A'Az_AGzz(z_a) - & N ey
3 3 3 3 9 3
2 3
V:B‘h:a\/g_gza\/g.
4 3 12
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Cau 27.

Cau 28.

] TAI LIEU ON THI THPTQG 2021
(SGD Bac Ninh 2019) Cho hinh lang tru ABC.A'B'C' ¢6 day ABC la tam giac déu canh a,

AA'=7a. Biét rang hinh chiéu vuoéng goc cua A' 1én (ABC) la trung diém BC. Thé tich cua

khéi lang tru ABC.A'B'C'la

3 3 3 3
A.a'\/z. B.3a"/§. C.a"/g. p. 2%
8 =g 2 3
Loi giai
Chon B

Goi H la trung diém BC, vi tam gisc ABC déunén ta co6 AH = N = Supe =

Theodé: A'H 1 (ABC)=> A'H 1 AH . Trong tam giac vudng A'AH c6

A H A A — A = 9612_3612 _av3
4 4 2

a*~/3 a\/§ 3a3.\/§

Suyra V- pc=Bh= PR -5

(THPT Céam Binh Ha Tinh 2019) Cho hinh ling try ABC.A'B'C"' ¢6 day 1a tam giac déu canh

bang a, hinh chiéu vudng goc cia A' 1én mit phang (ABC ) trung vdi trong tam G cua tam giac

ABC . Biét khoang cach gitta BC va AA' bang #. Thé tich khéi chép B'.ABC bang:

3 3 3 3
A.“ﬁ. B.“ﬁ. c.“ﬁ. D.‘“/g.
- 36 9 18 12

Loi giai
Chon A
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Goi M 1atrung diém cua BC, MH 1 AA' tai H .

Tacé BC L (A4A'M)= BC L HM . Do &6 HM =d(AA',BC).

a3 a3 oo HM 1

am =93 46 =93 o =M L g — 300
2 3 AM 2
2
A'G = AG.tan 30" :%, S o :%AM.BC: ¢ f.

| a3
Vg asc :EA G‘SABC :?.

Ciu 29. (TT Diéu Hién - Cin Tho - 2018) Cho lang tru ABCD.A'B'C'D’ ¢6 ddy ACBD 1a hinh thoi canh
a,biét A ABC 1a hinh chép déu va A'D hop v6i mit ddy mot goc 45°. Thé tich khéi lang tru
ABCD.A'B'C'D'1a :

3 3
A. & B.‘“/g. C. i*\3. D.a‘/g.
12 3
Loi giai
D’ A
/‘\ //N
\ o
v N
ARAR
Yoo
A
) — ’L 1.0.=24
A
c B
Taco (A'D,(ABCD)) = A'DG = 45°.
Ta giac ABC déu canh a nén BG = i DB=a\/3, DG=2BG = 2a;/§ .
Tam giac A'DG vudng cantai G nén A'G =DG = 2a3«/§ .

Visep awen = SABCD‘

1 2a\/§ 3
=—a.a\/3. =a’.
2aa[ 3 a

Ciu 30. (Chuyén Long An - 2018) Cho hinh ling tru ABC.A'B'C’ ¢6 day la tam gidc déu canh «. Hinh
chiéu vudéng goc ciia diém A’ 1én mat phang (ABC ) tring véi trong tam tam giac ABC . Biét

khoang cach giita hai duong A4’ va BCbang #. Tinh thé tich ¥ cuoa khéi lang tru

ABC.ABC'.
3 3 3 3
A.V:a\/g. B.Vz‘“/g. g.Vz‘“/g. D.Vza\/g.
6 24 12 3
Loi giai
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Cau 31.

TAI LIEU ON THI THPTQG 2021

(‘l

__________

Goi G la trong tim tam gidc ABC. Vi A'G L (ABC) va tam gidc ABC déunén A'4ABC l1a hinh

a3

chép déu. K¢ EF 1 AA' va BC 1 (AA'E) nén d(AA',BC) = EF = —, PaAG=h

2
Taco A'A= /h2+[a33J .

Tam gidc A'AG dong dang v6i tam giac EAF nén

2
AA_AG_AG | oopye garp e n @3 [ [a3] a3, _a
EA FA FE 2 3 4 3
2 3
Thé tich ¥ ciia khéi ling tru ABC.A'B'C' 1a V = AG.S ;. =§.# = “lf :

(Lé Quy Pén - Quéng Tri - 2018) Cho hinh ling tru ABC.A'B'C’ ¢6 day 1a tam giac déu canh

a. Hinh chiéu vuong goc cua diém 4’ 1én mit phang (ABC ) trung voi trong tam tam giac 4ABC.

Biét khoang cach giira hai duong thang 44’ va BC bang #. Tinh thé tich V' ctia khéi lang tru

ABC.ABC'.
3 3 3 3
A.V:‘“ﬁ. B.V:‘“ﬁ. c.v:“*ﬁ. Q.V:“\@.
6 3 24 12
Loi giai

Goi M 1a trung diém ctia BC. V& MH 1 A4’ (H € BC).
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Cau 32.

Cau 33.

Taco AM L BC, A'G L BC = BC L(A'AG)=>BC L MH = d(AA4',BC)=MH .

2 2
AH =AM M = [P 34 3a
4 16 4
a3 a\/§
Tacéﬁzﬂztan@:A'GzMH'AGz 4 3 _4
AH  AG AH 3a 3
4
az\/§ a a3\/§
Vay V=S, AG= g .
Y e 4 '3 12

(THPT Ha Huy Tap - Ha Tinh - 2018) Cho ling tru ABCD.A'B'C'D’ ¢6 ddy ABCD la hinh

thoi canh a, tim O va ABC =120°. Géc giita canh bén A4’ va mit day bing 60°. Dinh 4’ cach
déu cac diém A, B, D. Tinh theo a thé tich ¥ cta khoi lang tru da cho.
3a’ a3\/§ a3x/§

A.V=7. B. V= C.V-= D.V=d\3.

6 - 2
Loi giai

Ta c6 tam giac ABD cantai A va BAD = 60° nén ABD 1a tam giac déu.
Goi H latrong tdm tam gidc ABD. Vi A' cach déu A, B, D nén A'H latruc duong tron ngoai
tiép tam gidc ABD.Do d6 A'H L (ABD).

Suy ra goc gitta A'4 va ddy (ABCD) 1a goc A’AH = 60°.

2 a\/§ 3a
2

Tacod AH=§A0= . Do do A’H=AH.tan60°=7.

2 2
Ngodira S ;0 =25 5, = 2.# =4 2‘6 .

B a*\3 3a _ 3a°\3

Thé tich khéi lang tru ABCD.A'B'C'D' 1a V =S ,.,.A'H = > .

(THPT Tran Quéc Tuén - 2018) Cho hinh ling try ABC.A'B'C’ ¢6 day ABC la tam gic vudng
tat A, AB=a, AC= a~/3 . Hinh chiéu vudng goc cua dinh 4" 1én (ABC) trung véi tam cua

dudng tron ngoai tiép cua tam giac ABC. Trén canh AC lay diém M sao cho CM =2MA . Biét
khoang cach giira hai duong thang 4'M va BC bang %. Tinh thé tich ¥ cua khéi lang try da

cho.

Trang 36 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

3 3 3
"ﬁ. B.V=d. C.v=3% D.V=2aﬁ.

2 2 3

Loi gidi

B

i
IP H
N
K
' *C
A M

Ké MN//BC, Ne AB. HK L MN , HI 1 A'K .

d(AM;BC)=d(BC;(A'MN))=d(H;(AMN))=HI = HI = % .

Ké AT //HK, AT"MN =P 3HK=PT=§AT

Tam giac ABC vudng tai 4 = 12: 12+ 12:i2:>HK:£AT:i.
AT?  AB* AC* 3a 3 3
1 1 1 4 3 1
Tam giac A'HK vuéng tai H = = - =——"—=—=AH=a
g gk AH HP HK® & & &
3
Vay thé tich khéi lang tru da cho 1a: ¥ = A'H.S . = a%.a.a 3= 2*/3 .

HET

Facebook Nguyén Vuwong® https://www.facebook.com/phong.baovuongTrang 37




Caul.

Cau 2.

TAI LIEU ON THI THPTQG 2021

Chuyén dé 12 MOT SO BAI TOAN KHO THE TiCH KHOI CHOP - LANG TRU

TAI LIEU DANH CHO POI TUQNG HQC SINH GIOI MUC 9-10 PIEM
(Mai 101 2018) Cho khdi ling tru ABC.A'B'C’, khoang cach tir C dén duong thing BB' bing
2, khoang cach tir 4 dén cac dudng thang BB va CC' lan luot bang 1 va V3 , hinh chiéu

2 R IPali \ ’ 2 R ogr
vudng goc cia A 1én mit phang (A4'B'C’) 1a trung diem M cua B'C' va A'M :g. Thé tich
ctia khdi lang try di cho bang
A.2 B. 1 C.\3 D. ¥

(M3 103 -2018) Cho khdi ling try ABC.A'B'C', khoang cach tir C dén duong thang BB' bang
2, khodng cach tr 4 dén cac duong thing BB' va CC' lan lugt bing 1 va /3, hinh chiéu vuong
goc ciia A 1én mit phiang (4'B'C") 1a trung diém M cua B'C' va A'M =2 . Thé tich cua khbi
ling try da cho bang

A.¥ B. 1 C.\3 D. 2

(M3 102 2018) Cho khéi ling tru ABC.A'B'C’, khoang cach tr C dén BB' 1a /5, khoang cach
tr A dén BB' va CC' lan luot 1 I; 2. Hinh chiéu vudng goc cia A 1én mat phang A'B'C' 1a

. 1 . . .
trung diém M cua B'C', A'M zg. Theé tich cua khoi lang try da cho bang
A. # B. V5 C. # D. g

(M3 104 2018) Cho khdi lang truy ABC.4'B'C’. Khoang cach tir C dén duong thing BB’ bing
Js, khoang cach tr 4 dén cac duong thang BB’ va CC' lan luot bang 1 va 2, hinh chiéu
vudng goc cua A 1én mat phing (4'B'C') 1a trung diém M cia B'C' va A'M =+/5. Thé tich
ctia khéi lang try di cho bang

A5 g, YIS c. 25 p, 215

3 3 3
(Chuyén Hung Yén - 2020) Cho hinh lang tru tam giac ABC.A'B'C" ¢6 day la tam gidc vudng
tai A, AB=2, AC =/3. Goc CAAL =90°, BAA =120°. Goi M 1a trung diém canh BB’ (tham
khdo hinh vé). Biét CM vudng goc voi A'B , tinh thé tich khéi lang tru di cho.

3(14++433)

AV=—_——1 B V= . D. .
8 4 4

(Chuyén KHTN - 2020) Cho khéi lang try ding ABC.A'B'C’ ¢b ddy ABC 1a tam giac vudng
can tai C, AB=2a va goc tao boi hai mit phing (ABC") va (4BC) bang 60°. Goi M,N lan

3(1++/33) S EEE
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luot 1a trung diém cua A'C’ va BC. Mit phang (AMN) chia khdi lang tru thanh hai phan. Thé

tich ctia phan nho bang

3 3 3 3
A. TV3a . B. J6a . C. T6a . D. a .
24 6 24 3

Ciau7. (Chuyén Bic Ninh - 2020) Cho hinh chop tam gidc déu S.ABC c¢6 SA=2.Goi D, E lan luot
la trung diém cta canh S4, SC. Thé tich khoi chop S.ABC biét BD 1 AE .

A.4—\/i. B.4—\/ﬁ. C.4—\/i. D.4—\/i.
7 3 9 27

Ciu 8. (Chuyén Thai Binh - 2020) Cho hinh ling try ABC.A'B'C" ¢6 ddy ABC la tam giac vudng tai
A, canh BC=2a va ABC =60". Biét tu gidc BCC'B’ 1a hinh thoi c6 B'BC nhon. Mit phing
(BCC'B') vudng géc v6i (ABC) va mat phang (ABB'A’) tao véi (ABC) géc 45°. Thé tich khoi
lang try ABC.A'B'C’ bing

J1d° V1a®

7 21

Ciau9. (Chuyén Vinh Phic - 2020) Cho khéi ling try dimg ABC.A'B'C’ c6 day 1a tam giac déu. Mat
phing (A4'BC) tao véi ddy goc 30° va tam gidc 4'BC c6 dién tich bang 8. Tinh thé tich V' cua
khdi lang try d cho.
A. 643 B. 2/3. C. 1643, D. 83.

Cau 10. (S& Phii Tho - 2020) Cho khdi ling tru ABC.A'B'C'cd didy ABCla tam gisc vudng tai
A, AB =a, BC =2a . Hinh chiéu vudng goc ciia dinh A4’ 1én mat phang (ABC ) 1a trung diém cua

canh H cuia canh AC . Goc giita hai mit phang (BCB'C ') va (ABC ) bang 60°. Thé tich khdi lang

A. B. C. D.

3\/7a3 6\/7a3
7 7

try da cho bang:
3 3 3 3
NEEL g, Y32 AL p, O3
4 8 8 16

Cau 11. (S& Phi Tho - 2020) Cho khdi chop S.ABCD c6 day ABCD 1a hinh chit nhat, AB=a, SA
vudng goc véi mat phang day va SA = a. Goc giira hai mat phang (SBC ) va (SCD) bang ¢, voi

cosQp = % . Thé tich ctia khdi chop da cho bang
3 3 3
AL ﬁ. B. i*\2. C. 22a . . 24
3 3 3
Ciu 12. (Sé Ninh Binh) Cho lang tru ABCD.A'B'C'D" ¢6 day ABCD 1a hinh chit nhat véi 4B = J6 ,
AD=+[3, A'C=3 va mit phing (44'C'C) vudng géc véi mat ddy. Biét hai mat phing

. 3 . .
(AA'C'C), (AA'B'B) tao v6i nhau goc a cb tana:Z. Thé tich cua khoi lang tru

ABCD.A'B'C'D' 1a
AV =12. B.V=6. C.V =38. D. ¥ =10.

Cau 13. (D6 Luwong 4 - Nghé An - 2020) Cho hinh lang tru ABC.A'B'C’ ¢6 day ABC 1a tam giac vudng
tai A, canh BC=2a va ABC =60°. Biét t& giac BCC'B' 1 hinh thoi c6 B'BC nhon. Biét
(BCC'B') vuéng goc voi (ABC) va (ABB'A’) tao véi (ABC) géc 45°. Thé tich cua khdi lang
try ABC.A'B'C’ bing

AL B. 3. c. % =

7 T N ST
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

TAI LIEU ON THI THPTQG 2021
(Chuyén Lé Quy Pon — Pién Bién 2019) Cho lang truy ABC.A'B'C' c6 day 1a tam giac déu canh
@, hinh chiéu vudng goc ciia diém A' 1én mit phing (ABC) trung vai trong tdm tam giac ABC .

. . . 3 . .
Biét khoang cach gitlra hai duong thang A4'va BC bang N2 Tinh theo @ thé tich khéi lang tru
do.
3 3 3 3
3 3 3 3
A EB B £ .28 p, 28,
12 6 3 24

(Bim Son - Thanh Héa - 2019) Cho hinh chép S.ABC c6 SA vudng goc véi mit phang
(ABC ) va tam giac ABC can tai A. Canh bén SB lan lugt tao voi mit phéng day, mat phéng
trung truc cia BC cac goc bang 30° va 45°, khoang cach tir S dén canh BC bang a. Thé tich
khoi chop S.4ABCbang:

3 3 3
a a a
AV pe =—- B. Vs e =—1- C. Vs ype =—- D. Vs i5c =a’.
2 3 6
(Chu Vin An - Ha Noi - 2019) Cho tir dién ABCD co

BC=BD=AC=A4D=1,(ACD) L(BCD) va (ABD)L(ABC). Thé tich cua t&r dién ABCD
bang

2
e B33 ¢ 2B p. 22
9 27 27 27
(Chuyén Pai hoc Vinh - 2019) Cho hinh chop tir gidc déu S.ABCD c¢6 SA=a+/11, cosin goc
. . 1 . . .
hop badi hai mat phang (SBC) va (SCD) bang 0 Thé tich cua khoi chop S.ABCD bang

A. 3a’. B. 9a’. C. 4a’. D. 124°.
(THPT Lwong Thé Vinh Ha Ngi 2019) Cho hinh chop S.4BC c6 ddy ABC la tam giac déu
J6 J15

canh 1, biét khoang cach tr 4 dén (SBC) 1a B dén (SCA) 1a o e dén (S4B) la

V30

~—— va hinh chiéu vudng goéc ciia S xudng day nam trong tam gidc ABC. Tinh thé tich khoi

chop I/SAABC .
AL B. c. L D.
36 48 12 24

(Cum Lién Truwdong Hai Phong 2019) Cho hinh chép S.ABC c6 day 1a tam gidc déu canh a.
SAB=SCB=90". Goi M la trung diém ctia S4. Khodng cach tir 4 dén mit phang (MBC)

bang 67“ Tinh thé tich ¥ cua khdi chop S.ABC.

3 3 3 3
A.V:Sﬁ“ B.V:Sﬁ“ C.V=4*/§“ D.V=7*/§“
12 6 3 12

(Chuyén Vinh Phic 2019) Cho hinh chép S.ABC c¢6 cac canh SA=BC=3; SB=AC=4;
SC = AB =2+/5 . Tinh thé tich khéi chép S.4BC.

V390 v390 v390 v390
Ao T Bo T Co T Do T

Cho hinh chép S.ABC ¢6 ASB=CSB=60", ASC=90°, SA=SB=a, SC =3a . Tinh thé tich
ctia khdi chop S.4BC.
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

3 3 3 3
LAY B, V6 c. 92 p, £

4 18 12 6
Cho hinh chop S.ABC c6 day ABC la tam giac déu canh 2a. Goi M 1a trung diém canh S4,
SAB=SCB=90°, biét khoang cach tr 4 dén (MBC) bing % Thé tich cua khdi chép
S.ABC bang

3 3 3

A. 10“96. B. 3 ;@ C. 4“;3 D. 24°+3.

(Cum lién truwomg Hai Phong 2019) Cho hinh chép S.ABC c6 day la tam giac déu canh a.
SAB=SCB=90°. Goi M la trung diém cua S4. Khoang cach tir 4 dén mat phing (MBC)

bang 67“. Tinh thé tich V' cta khéi chép S.ABC.

3 3 3 3
:5\/§a‘ B.V:Sﬁ“. C.V:Ng“. D.V:Nga.
12 6 3 12

(Chuyén Lé Quy Pén Dién Bién 2019) Cho ti dién ABCD c6 cac canh AD=BC=3,
AC=BD=4, AB=CD =2+/3 . Tinh thé tich khdi t& dién ABCD.

AV

A J2740 B J2474 c J2047 b J2470
T2 T2 T2 12

Cho ti dién ABCD ¢6 DAB=CBD=90°% AB=a; AC=a\5; ABC =135°. Bibt goc giita hai
mit phing (ABD), (BCD) bang 30°. Theé tich cua tir dién ABCD 1a

3 3 3

A B. -

NG W2 23’

Cho hinh lang try déu ABC.4'B'C’ . Biét khoang céch tir diém C dén mit phang (4BC') bang

3
c. L D.
6

» . 1 . .
a, gbc giita hai mat phang (4BC’) va (BCC'B’) bang a v6i cosa =—=. Tinh thé tich khoi

23
ling try ABC.A'B'C’.
3 3 3 3
A.V:3a4ﬁ. B.V:3a2‘5. C.V:af. D.V:3a8ﬁ.

(Chuyén Nguyén Trai Hai Dwong 2019) Cho hinh hop ABCD.A'B'C'D’ c6 A'B vuodng goc véi
mit phing déy (ABCD). Géc giita 44" véi mit phing (ABCD) bang 45°. Khoang cach tir 4
dén céc dudong thing BB' va DD' bang 1. Géc gitta mit phang (BB'C'C) va mit phing
(CC'D'D) béng 60°, Tinh thé tich khdi hop da cho.

A. 203, B.2. c. 3. D. 3\3

(Chuyén Thoai Ngoc Hau - 2018) Cho ling tru ABCD.A'B'C'D' c¢6 day ABCD 1a hinh chit
nhat v6i AB=+/6,4D=+/3,4'C =3 va mit phing (44'C'C) vudng gbc v6i mit day. Biét hai
mit phing (AA'C'C),(AA'B'B) tao voi nhau géc o théa mdn tana = % Thé tich khdi lang tru
ABCD.A'B'C'D' bang?

AV =8. B. V=12. C.V =10. D. V=6.

(Cum 5 Truong Chuyén - Pbsh - 2018) Cho hinh lang tru ding 4BC.A'B'C" c6 day la tam giac
ABC vudng can tai 4, canh BC =a+/6 . Géc giita mit phing (AB'C) va mit phang (BCC'B')
bang 60°. Tinh thé tich V' ciia khdi da dién AB'CA'C’.
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3 3 3
B.3a\/§. c.a‘g. D.a‘g.
2 2 3
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TAI LIEU ON THI THPTQG 2021

Chuyén dé 12 MOT SO BAI TOAN KHO THE TiCH KHOI CHOP - LANG TRU

TAI LIEU DANH CHO POI TUQNG HQC SINH GIOI MUC 9-10 PIEM
(M3 101 2018) Cho khdi lang tru ABC.A'B'C’, khoang cach tir C dén dudng thing BB’ bing
2, khoang cach tir A dén cac duong thang BB’ va CC' lan luot bang 1 va V3, hinh chiéu

< - R Fall 5 ' 2 3
vudng goc cua A 1én mit phang (A4'B'C') 1a trung diem M cua B'C' va A'M =g. Thé
tich cta khdi lang tru da cho bang
A.2 B. 1 C.\3 D. ¥

Loi gii
Chon A
A C
M
Al H T

Cit lang try boi mot mat phang qua A’ va vudng goc véi AA4' ta duge thiét dién 13 tam giac
A'BC, c6caccanh A'B,=1; A'C,=3; BC,=2.

Suy ra tam giac A'B,C, vudng tai 4’ va trung tuyén A'H cua tam giac d6 bang 1.

Goi giao diém ciia AM va A/H 1a T.

23

Taco: AM=—-; AH=1 3MH:L. Suy ra MA'H =30°.
3 V3

Do dé MAA=60°= aa=—M__ 4
cosMA4 3
Thé tich khi lang tru ABC.A'B'C’ bang thé tich khéi lang tru 4'B,C,.AB,C, va bang
V=A4S,,, _4 ¥,
G \/g 2

(Mai 103 -2018) Cho khdi lang tru ABC.A'B'C", khoang cach tir C dén duong thing BB'
bang 2, khoang cach tir 4 dén cac duong thang BB' va CC' lan luot bang 1 va NG , hinh
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chiéu vudng goc ctia 4 1én mat phang (4'B'C") la trung diém M cioa B'C' va A'M =2.
Thé tich cta khdi lang tru di cho bang

A # B. 1 Cc. 3 D.2
Loi gidi
ChonD

Goi 4,4, lan lwot 1a hinh chiéfu cia A4 trén BB', CC'. Theo dé ra
A4 =1, A4, =[3; 4,4, = 2.
Do AA’ + AA,” = A A’ nén tam gidc AA A, vudng tai 4.
. A
Goi H latrung diém A A, thi AH = ITAz =1.

Lai c6 MH || BB'= MH 1 (AA,A,)) = MH 1. AH suy ra MH =~ AM”* — AH* =3.
MH
nén cos((ABC),(AA A,)) =cos(MH,AM ) =cos HMA=——= ﬁ
AM 2
SAAIAZ

cos((ABC),(AAA4,))

Nhan xét. Y tuong cau nay 1a dung dién tich hinh chiéu S'=Scosa .

Suyra S ;. = =1. Thé tich lang tru1a V = AM -S . =2.

Cau3. (Ma 102 2018) Cho khéi ling tru ABC.A'B'C’, khodng cach tr C dén BB' 1a /5, khodng
cich tr 4 d&n BB' va CC' lan luot 1a 1;2. Hinh chiéu vudng goc cua A4 lén mit

J15

phang A'B'C" 1a trung diém M cua B'C', A'MzT. Thé tich cua khéi lang tru da cho

bang
A. ﬁ. B. /5 C. s D. Jis
3 3 3
Loi giai

Trang 2 Fanpage Nguyén Bio Vuong @ https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

Chon C

secresressrssnsne

Ké Al 1 BB', AK 1 CC' (hinh v&).
Khoang cach tir 4 d&én BB' va CC'lanluotla 1;2 = Al =1, AK =2.

Goi F 1a trung diém cia BC.A'M:—V;S :>AF:—V315
Al L BB'

Ta c6 = BB'1(AIK) = BB' L IK .
BB' 1L AK

Vi CC'||BB' = d(C,BB") =d(K,BB") = IK =5 = AAIK vudng tai A.
Goi E 1a trung diém cua IK = EF || BB' :>EFJ_(AIK) = EF 1 AE.
Lai c6 AM J_(ABC ) Do d6 goc giira hai mit phing (ABC ) va (A]K ) la goc gitta EF va

V5
3 STY: -0 7 . o AE 2 3 FAE o
AM bang goc AME = FAE . Taco cos FAE =— =—F= =— = FAE =30°.
AF 15 2
3
Hinh chiéu vudéng goc cua tam gidc ABC 1én mit phang (AIK) la AAIK nén ta co:
— B2
Sk =S g COS EAF :>1:SABC7 :E:SABC.
s
, A . —  AF 3
Xét AAMF vuong tai A: tan AMF = —— = AM =— — AM =A5.
AM V3
3
2 215
Vay Ve pe =5~ =22
Y V apc.apc \/g 3

Facebook N guyén Vuong<® https://www.facebook.com/phong.baovuongTrang 3




NGUYEN BAO VUONG - 0946798489

Cau 4.

(Mai 104 2018) Cho khéi ling try ABC.A'B'C’. Khoang cach tir C dén duong thang BB’
bang J5 , khoang cach tir 4 dén cac duong thang BB’ va CC' lan luot bang 1 va 2, hinh
chiéu vudng goc cia 4 1én mit phing (4'B'C') 1a trung diém M cua B'C' va A'M =5.
Thé tich ciia khdi lang try da cho bang

A5 .‘/E 2J5 D.@

Chon D

Goi J, K lan luot 14 hinh chiéu vudng goéc cia A 1én BB’ va CC', H 1a hinh chiéu vudng
goc cua C 1én BB’
Tacé AJ LBB ().

AK LCC'= 4K L BB' (2).
Tir (1) va (2) suyra BB' L (AJK) = BB' L JK = JK//CH = JK = CH =+/5 .
Xét AAJK ¢o JK* = AJ* + AK* =5 suy ra AAJK vudngtai A.

NG

Goi F 1a trung diém JK khi do6 ta co AF=JF=FK=7.

Goi N latrung diém BC, xét tam giac vudng ANF ta co:

Vs
cosNAF = 22 1 NAF 60" (AN = AM =5 vi ANJIAM va AN = AM ),
AN 5 2
A ’ 1 1 o SAA]K 1
Vaytaco S, x =—AJAK =—.12=1=S8,,x =S\ pc-€c0s60° =S, , . =—=—=—=2.
2 2 cos60° 1
2
Xét tam giac AMA' vuodng tai M ta co MAA' = AMF =30° hay AM = A'M .tan30° =%.
Vay thé tich khoi lang tru 1a V' = AM.S, .. =@.2=¥.

(Chuyén Hung Yén - 2020) Cho hinh lang try tam giac ABC.A'B'C" ¢6 day la tam giac vudng
tai A, AB=2, AC =+/3. Géc 6@':900, BAA =120° . Goi M 1a trung diém canh BB’
(tham khdo hinh vé). Biét CM vudng goc voi A'B, tinh thé tich khéi lang tru di cho.
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Do AC L AB, AC 1 AA' nén AC L (ABB'A").Ma A'B < (ABB'A") nén AC L AB.
Co ABLAC, ABLCM nén A'B L (AMC) = A'B L AM .

' B R G T s T BT s LT
bat A4'=x (x>0).Taco A'B=AB— A4 va AM:AB+BM=AB+5AA.

1

Suy ra AB.ANE = (A8 A7) 4B + L8 | = 4B° = Laa” B AT

B -4~ L B AL cosBAT =22 — 2~ L xcos1200 = — L2+ Lyt
2 2 27 2 27 2

_1+\/§

Do A'B L AM nén AB.AM =0 @—%x2+%x+4=03x— o

3 V3(1+33)
2

Laicd S, .. = AB.AA sin BAA = 2.2 sin120° = (dvd).

ABB'A’

1 1
3ACS iy = g.\/3 :

Do AC L(ABB'A') nén V. 1y = (dvtt).

\/§(1+‘/§)_1+\/§
)

2
2

ABC T EVABC.A'B'C' = Ve s =Vipcawe = Ve awe = EVABCA'B'C' .

14433 3(1++33)
2 4

Ma ¥,

A 3 3
Vay Viscapce = EVCAABB’A' = bX (dvtt).
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Ciu 6. (Chuyén KHTN - 2020) Cho khdi lang tru dimg ABC.4'B'C’' ¢6 day ABC la tam giic vudng
cantai C, AB=2a va gbc tao bdi hai mit phang (ABC') va (ABC) bing 60°. Goi M,N lan
luot 1a trung diém cua A'C' va BC. Mit phang (AMN ) chia khoi lang try thanh hai phan. Thé

tich ctia phan nho bang

3 3 3 ,
A. e g, Yoo ¢, o' p, Y3
Loi giai
Chon A
(8]
E F
C' b -- B
A . A
~ \
SN
N\ ~
N VoSl
A\ \ \*-,\
. \ -
AU S
\\ A \*-.\
\ =
Ce=\H----- ;\pﬁ—r _______ B
-’
- I
’
A

Goi / la trung diém AB, suy ra AB L (CIC') nén géc gitta (C'AB) va (ABC) la géc
(CI,C'T), suyra C'IC = 60°.

. . —  AB
Tam giac C'IC vuong tai C nén C'C=CI -tan C'IC = - tan 60° = a+/3 .

Dién tich tam gidc 4BC 1a S, =%-AB-C1 =a’.

Thé tich khéi lang tru1a ¥ =CC'-S ;. =a3-a* =a*/3.
Trong (ACC'4"), kéo dai AM cit CC' tai O.

Suy ra C'M 1a dudng trung binh cia AOAC , do @6 OC =2CC' =2a+/3.

Thé tich khoi chép ¥, ., = 1 S,en - OC = %% S g -2CC" = %V :

3
X .. I 1 , 11 , 1
Thé tich khoi chop V, oy = E'SC'ME -0C :§'§SABC' -0C _QV
, 1.1 7 7 73d°
Do do Veercaw =Vouen —Vooue = EV_ﬂ = EV =§' 613\/3 = o
3
Vay phan thé tich nhé hon 1a V., v = % .

Trang 6 Fanpage Nguyén Bio Vuwong @ https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

Ciau7. (Chuyén Bac Ninh - 2020) Cho hinh chop tam gidc déu S.ABC ¢6 SA=2.Goi D, E lan
luot 1a trung diém ctia canh S4, SC . Thé tich khdi chép S.ABC biét BD L AE .

4
A 21 g A2l o 2t p. H21
7 3 9 27
Loi giai
Chon D
S
)
s
A B
C

Goi O la tam tam gidc déu ABC. Do S.4BC la hinh chép déu nén ta c6 SO L (A4BC).
Taco TE:E-Q:%@—Q; @:@@:%@_@

Pat ASC=BSC=ASB=a.

BD 1 AE < BD.AE =0 c»(%ﬂ—@j(%ﬁ—ﬂj:o

1

QiEZSZ’—EEZZ—%EE.SZ*JZ.Eé:o

< cosa—2—-2cosa+4cosa=0<< cosa =§.
Ap dung dinh 1y ham s6 cosin trong tam giac SAC, ta c6:

26

AC? = SA* + SC* —28A4.5C.cosx :§:> AC =——.

3
PNE)

Dién tich tam gidc ABC 1a S, =——

AO%-N6 V322, SO =~/SA4* -~ 40° =—2\3ﬁ-.

3 72 37

Thé tich khdi chép S.ABC 1a V = %SO-SABC = % 2\36 : 2\3ﬁ - 4\2/7271 '
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Cau 8. (Chuyén Thai Binh - 2020) Cho hinh lang tru ABC.A'B'C" ¢6 day ABC 1a tam giac vudng
tai 4, canh BC =2a va ABC =60° . Biét tr gidc BCC'B' 1a hinh thoi c6 BBC nhon. Mt
phing (BCC'B') vudng goc véi (ABC) va mat phing (ABB'A') tao véi (ABC) goc 45° . Thé
tich khoi lang try ABC.A'B'C’ bang

3 3 3 3
L g, Ve c. V1@ p. Ve
7 = 7 7 21
Loi giai
Chon B
B, CV
B c
K
A
(BCC'B') L (4BC)
‘ . Do d6 trong (BCC'B') k¢ B'H vudng gbc v6i BC tai H
(BCC'B')n(A4BC)=BC

thi B'H L (ABC) hay B'H 1a chiéu cao cia hinh lang tru.
Trong (ABC ) ké HK vudng goc voi AB tai K .Khi do6 4B J_(B'HK )
(ABB'A') m(ABC) =AB
Tacé {(B'HK) L AB
(B'HK)(ABB'A")=B'K, (BHK)"(ABC)=KH
= Goc giita (ABB'A’) va (ABC) chinh 1a géc gilta B'K va KH .
AB'HK vuodng tai H nén BKH 1a goc nhon. Do do B'KH =45°.

AB'HK vuodng tai H co B'KH =45° = AB'HK vuong can tai H = B'H =KH .
Xét hai tam giac vudbng B'BH va BKH ,taco

tan B'BH = ﬁ ki = sin ABC = sin 60° = ﬁ
BH BH
:>£:sinB/’/§7{ =\/l—cos2B/'Z¥I = 1—(%) =
BB tan” B'BH +1
= B'H = B'B. £ = 2a\7/7 (vi BCC'B' 1a hinh thoi ¢6 canh BC =2a).
2
Taco S,z =1AB.AC =l(Bc.cos 60°)(BC.sin60° ) oLy, B3
2 2 2 2 2 2

2a\/ﬁ a2\/§ B 3\/7613

7 2 7

Vay Vipcapc =B 'H Sapc =
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Ciau 9. (Chuyén Vinh Phiic - 2020) Cho khéi ling try ding ABC.A'B'C’ c6 day 1a tam giac déu. Mt
phang (A4'BC) tao véi ddy goc 30° va tam gisc A'BC co dién tich bang 8. Tinh thé tich V

ctia khéi lang tru da cho.
A. 6443 B. 2./3. C.16V3. D. 8/3.

Loi giai

ChonD

Goi I 1a trung diém canh BC.

Vi ABC.A'B'C’ 14 lang try dung c6 day 1a tam giac déu nén ABC.A'B'C’ 1a khéi lang tru déu.
Do do6 taco: A'B=A'C. Suy ratam giac A'BC cantai A" = A'l L BC.

Mit khac: tam gidc 4BC déu = AI 1 BC.

Suyra BC L (A'IA).

Vay goc gitta mit phang (4'BC) va mit day bang goc ATA=30".

Ta c6: tam giac ABC 14 hinh chiéu cua tam giac 4'BC trén mat day nén

S s =S ypo-cosa =8.c0530° =44/3 .

3

Bit AB=x =5, =" =43 =4,

Ta co: Alz%z?_\/g:AA’:Al.tanZIZ':Z

Suy ra: Ve pper = AA'S 1o =2.4/3 =83 .

Cau 10. (S& Phu Tho - 2020) Cho khéi ling tru ABC.A'B'C'chd day ABCla tam giic vudng tai
A, AB =a, BC =2a . Hinh chiéu vudng goc ciia dinh A’ 1én mit phang (ABC ) 1a trung diém
ctia canh H ciia canh AC . Géc giita hai mat phang (BCB 'C ') va (ABC) bang 60°. Thé tich
khéi lang tru di cho bang:
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Cau 11.

A. 33d . B. \/gas. C. 3V3d . D. as‘/g.
4 8 8 16
Loi giai
Chon C
A X
Y : C'
'J M
-
Br' |
A il
, L /
7
N

Tacd BC=a/3.Th Hké HI vuong goc voi BC .

Ta 6 AHIC ~ABAC nén L = 1€ _ gy _ ABHC =&.
AB  BC BC 4

Goi K la trung diém cua 4°C’. tr K ké KM vudng goc véiB’C’.

a

T giac KMIH 1a hinh binh hanh nén KM =IH = 43
. NPT A N - R 5 . a\/g
Goi N ladiém trén B’C’ sao cho M la trung diém cua C’N = A'N =2KM :T.
Do A'H 1L(ABC) nén (A'NIH) L(ABC).Ma A'N > HI nén HIN la géc tu. Suy ra
HIN =120° = A'NI =60°.
Goi H’ 1a hinh chiéu ctial 1én A’N suy ra H’ 13 trung diém ctia A'N .
= A'H =IH'= NH '.tan 60° = %“.
_3a a3 B 334°
SR ) 8
(Sé Phii Tho - 2020) Cho khdi chop S.ABCD c6 day ABCD 1a hinh chit nhat, 4B=a, SA
vudng goéc voi mit phang day va SA4 = a. Goc giita hai mit phang (SBC ) va (SCD) bang ¢,

=>V=A4'HS

voi cosp = L . Thé tich cta khdi chop da cho bang

NE]
3 3 3
A.aﬁ. B. &*2. C. 22a . D. 2%
3 3 3
Loi giai
Chon A
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bat AD=m, m>0.

Chon hé truc toa d0 Oxyz nhu hinh v§, géc toa do trung voi A4, tia Ox, Oy, 0z lan luot trung
véi cac tia AB, AD, AS .Khi d6 toa do cua cac diém la:
B(a;0;0);D(0;m;0);C(a;m;0);S(0;0;a)

SB = (a;O;—a);R? =(0;m;0) = [@,ﬁ] = (ma;0;ma)

@:(O;m;—a);ﬁ‘ a;0,0) = [ } ;—a;—ma)
Véc to phép tuyén ctia mit phang (S [

} ma; 0, ma) clia mit phing (SCD) la
[ST),D—C] =(0;—a2;—ma).

ma

a\/a +m* .ma~?2 \/>
1 a3\/5
3

Thé tich khéi chép S.ABCD bang V = %.SA.SABCD =5aad 2 =

Theo gia thiét: cosep = < 3m’ —2(a +m ):>m=a\/5.

Cau 12. (S6 Ninh Binh) Cho ling tru ABCD.A'B'C'D' ¢6 ddy ABCD 1a hinh chit nhat v6i AB = J6 ,
AD=+/3, A'C=3 va mat phing (AA'C'C) vudng gbéc véi mat day. Biét hai mit phing
(A4'C'C), (AA'B'B) tao v6i nhau géc a cb tana=%. Thé tich cia khéi ling try

ABCD.A'B'C'D' 1a

A. V=12, B.V=6. C.V=8. D. V =10.
Loi giai

Chon C
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Cau 13.

Goi M 1a trung diém cta 44’ . Ké A'H vudng goc véi AC tai H, BK vudng gbc véi AC tai
K, KN vudng goc voi AA' tai N.

Do (AA'C'C) L(ABCD) suyra AH 1(ABCD) va BK L(AA'C'C)= BK 1 AL

= A4' L (BKN)= AA' L NB suyra (A4'C'C),(A4'B'B)|=KNB=a .

Ta c6: ABCD 14 hinh chit nhat véi AB=~/6, AD=+/3 suyra BD=3= AC

Suyra AACA" cantai C.Suyra CM 1 AA'= KN //CM

:AK_AN_NK
AC  AM MC

. BA.BC
Xét AABC vudng tai B ¢6 BK la duong cao suy ra BK = =2 va

AC
2
ABzzAK.AC:>AK=AB =2
AC
Xét ANKB vuong tai K co ‘tanocztanl?]ﬁ?:E :ﬁziaKNzﬂ.
4 KN 4 3
Xét AANK vuong tai N co KNz#, AK =2 suyra AN =—.
2 42
2 3 3 AM =1= AA'=2
—_—_——
3 4M  MC T |eM =22

CM.A4' 2422 42
AC 3 3

Talaico: AHAC=CM.AA = A'H =

Suy ra thé tich khoi ling tru cin tim 1a: V = A'H . AB.AD = #\/gx/g =8.

(D6 Lwong 4 - Nghé An - 2020) Cho hinh lang tru ABC.A'B'C’' ¢6 day ABC la tam giac
vudng tai 4, canh BC =2a va ABC = 60° . Biét tir gidc BCC'B’ 1a hinh thoi c6 B'BC nhon.
Biét (BCC'B') vuéng géc véi (ABC) va (ABB'A') tao voi (ABC) gbc 45°. Thé tich ciia khoi
ling try ABC.A'B'C’' bang

3 3 3 3
A2 34 c. % D. -2

77 BT N 37
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Chon B

Goi H 1a chan duong cao ha tr B'cta tam giac B'BC. Do goc B'BC la goc nhon nén H
thudc canh BC. (BCC’B’) vuong goc véi (ABC) suy ra B'H la duong cao cua lang tru
ABC.A'B'C".

BCC'B' 1a hinh thoi suy ra BB'= BC =2a. Tam giac ABC vuodng tai A, canh BC=2a va
ABC=60° suyra AB=a, AC=a\/3.

Goi K 1a hinh chiéu cia H 1én 4B, do tam giac ABC la tam giic vudng tai A4 nén

HK//AC zﬁzﬁ:BH=2BK.
B4  BC

Khi d6 mat phang (B'HK) vuéng goéc voi AB nén géc giita hai mat phang (ABB'A') va
(ABC) 1a goc B'KH . Theo gia thiét, BKH = 45°= B'’K = N2 ,v6i BH=h.
Xét tam gidc vuong B'BH c6 B'H” + BH’ = B'B* hay h* +4BK’ =4a’(1).
Xét tam giac vuong B'BK : BK’ + BK* = B'B* hay 2h’ + BK* =44’ (2).
2x/§a
N
1 3a’

Vay thé tich khéi lang tru ABC.A'B'C' bang V =5 ,.h = 5 AB.BCh=""F.

NG
Ciu 14. (Chuyén Lé Quy Pon — Pién Bién 2019) Cho ling try ABC.A'B'C" c¢6 day la tam giac déu

canh @, hinh chiéu vudng goc ciia diém A' 1én mat phang (ABC) trung voi trong tdm tam giac

Tur (1) va (2) taco h=

< A 5 7 o~ . \ < [ M a\/g ’ Ao
ABC . Biét khoang cach giira hai duong thang A4'va BC bang R Tinh theo @ thé tich

khéi lang tru do.

3 3 3 3
A'a\/? B.a‘/g. c.a‘/g. D.a‘/g.
12 6 3 2%

Loi giai

Chon A
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+Goi M latrung diém BC, H 1a trong tdm tam giac ABC :>A'HJ_(ABC).

+ AM 1 BC
AH 1 BC
= BC L(A4'M).
+ Trong tam giac AA'M ,ké MN L AA'tai N y
MN L BCtai Mvi BC L(AA'M).
C b
‘ o N a3
= MN 1a doan vudng goc chung cia AA'va BC :>MN=T.
. : B 4 C
+Tam gide AAM S S, == A'H.AM = MN.AA M

= A'H.AM = MN.AA'< A'H.AM = MN~N A'H’ + AH?

2 2
. S (] o
g MNNAHE - AHE ~ |
AM

a\/§ 2

2

2
:>4A'H2=A'H2+(a—33J :A'H:%

a azx/§ _ a3\/§

304 12

Ciu 15. (Bim Son - Thanh Héa - 2019) Cho hinh chép S.ABC c6 SA vudng gbc v6i mit phang
(ABC ) va tam giac ABC can tai 4. Canh bén SB lan luot tao véi mat phéng day, mat phéng

Vay thé tich khéi lang tru Ve g = A"H.S, 5o =

trung truc cua BC cac goc bang 30° va 45°, khoang cach tir S dén canh BC bang a. Thé tich
khéi chép S.ABC bang:

3 3 3
a a a

A Vs 45c =7- B. Vs i5c Z?- C. Vs e Zz- D. Vs jpc = a.
Loi giai
Chon C
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+Lay M 1a trung diém cua BC, tam gidc ABC cén tai A4
= AM 1L BC.
SA 1 BC

=BCL (SAM) tai trung diém M = (SAM) 12 mat phang trung truc canh BC.
Goc giita SB va mit phang (SAM )= goc gitra SBva SM = BSM =45".

Géc gitta SB va mat phang (4BC)= géc gitta SBva AB= SBA=30",

BC 1 (SAM)=> BC L SM = khoang cach tir § dén canh BC bing SM =a.

+ Tam gidc vuong can SBM c6 BM =a,SB = a2 .

= BC=2BM =2a.

aﬁ; AB:—a\/g.
2 2

Tam giac vuong SAB c6 sin 30° = g—g = 54 = a\/i.% =

2
Tam gidc vudng ABM b AM =~JAB* —BM* = [#j o2

2
A A ‘ 1 la2 1, a2 _a
Vay the tich khoi chop S.4BC 1a VS‘ABC=§SA.SAABC=§. 2 E.Za. 2 =?.

Caul6. (Chu Vin An - Ha Ndi - 2019 Cho t¢ dién ABCD  c¢b
BC =BD=AC=A4D=1,(ACD) L(BCD) va (ABD) L(ABC). Thé tich cta tr dién ABCD
bing
a2 B c. 2B p. 22

9 = 27 27 27
Loi gidi
Chon B
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C
Goi H,K lan luot 1a trung diém canh CD, 4B .
bat AH = x,(x > O)

"] AACD va ABCD lanlugtcantai 4 va D nén AH va BH la hai duong cao tuong tng.
(ACD) L (BCD)
(ACD)m(BCD) =CD= AH L (BCD)
(ACD)> AH 1L CD

Do d6 AH 1 BH (1)

ANACD = ABCD(c.c.c) do d6 AH = BH (2 duodng cao tuong tng) (2)
Tu (1), (2) suy ra AAHB vudng can tai H .
= AB=AH\2 =xJ2.(3)

[ Chuing minh tuong tu ta dugc ACKD vudng can tai K .
CD 2.HD

:CKzﬁzﬁzx/E.\/ADz —AH? =21- ¥

Mait khac, AACD can tai A ¢c6 CK la duong cao nén:
AB=2A4K =24 AC*-CK* =2 1—2(1—x2) 4)
Tu (3), (4) ta co:

2 =21-2(1-x")

o2t = 4(2x2 —1)

o x’ :z@xzﬁ (x>0)

3 3
CD=2.HD=2W=¥
V sco =1AHS _lﬁlﬁ 23 3
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Cau 17.

Cau 18.

TAI LIEU ON THI THPTQG 2021

(Chuyén DPai hoc Vinh - 2019) Cho hinh chép ti giac déu S.ABCD ¢6 SA =a~/11, cosin goc

. S| . . .
hop baéi hai mat phang (SBC) va (SCD) bang 0 Thé tich cua khoi chép S.ABCD bang

A. 3a’. B. 9a’. C. 4a’. D. 12a°.
Loi giai

Chon C

Goi H latam cua hinh vuéng ABCD nén SH L (ABCD).bat m=HA, n=SH . Do tam giac

SAH vuéng tai Hnén m’ +n° =11a°
Xay dung hé truc toa do nhu sau: H(0;0;0), B(m;0;0), D(-m;0;0), C(0;m;0), S(0;0;n)

Khi d6 phuong trinh mit phang (SBC) 1a: R S| hay vécto phap tuyén ctia mit phang
m m n

(SBC) 1a n, = (n;m;m).

Khi d6 phuong trinh mat phang (SCD) 1a: S A hay vécto phap tuyén ciia mit
-m m n
phang (SBC) la ﬁ; = (n;—n;—m)
, .1 1 |n.n,
Do cosin goc hgp bai hai mat phang (SBC) va (SCD) bang — nén —= M
10 10 |n].|n,|
2
%:— mé I’lz :11a2 —m2
2n"+m~ 10

m? 1 m* 1

Va —=—c>—=—<:>m2=2a2:>m=ax/§:>SH=3a
Y 2n* +m* 10 22a°-m® 10
m=HA=a~2 nén AB=2a,
Chiéu cao cta hinh chop 1a SH =3a.
2

Dién tich ctia hinh vuéng 1a S, ., =4a".

. . 1 1
The tich cua khoi chop S.ABCD la: V' = SSABCD'SH = §.4a2.3a =4a’.

(THPT Lwong Thé Vinh Ha Ngi 2019) Cho hinh chép S.4BC c6 didy ABC 1a tam giac déu

V6 Jis

canh 1, biét khoang cach tir 4 dén (SBC) la B dén (SCA) 1a oW e dén (S4B)
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30 o . . i .
la >0 va hinh chiéu vuéng goc cia S xudong ddy nam trong tam gidc ABC . Tinh thé tich

khdi chop Vi e -
1 1 1 1

A, — B. — C. — D. —
36 48 12 24

Chon B

Goi M, N, P lan luot 12 hinh chiéu cua H 1én cac canh AC,BC, AB .

1,33 _mf3

374 120

Taco Ap=22 _pg  — Vswc __ 3 B0
AB d(Ci(S4B)) 2 20

Tuong tu, tinh dwgc HM =2h, HN = h

= PH =~/SP* - SH? =3h

Dit SH=h=V, - =

3 3

Ta c6 SABC=SHAB+SHAC+SHBC=%(HP+HM+HN)<:>3h:§<:>h:%
Vavy V. —ﬁﬁ—i
M TP

Ciu 19. (Cum Lién Truwong Hai Phong 2019) Cho hinh chop S.ABC c6 day la tam giac déu canh a.
SAB=SCB=90". Goi M la trung diém ctiia S4. Khoang cach tir 4 dén mit phang (MBC)

bang 67“ Tinh thé tich V' cua khdi chép S.ABC.
4\/§a3 B 7\/§a3

3 3
_5\3a g.V:S“B“ C.V= D.V
12 6 3 12
Léi gidi

ATV

Chon B
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Vi SAB=SCB=90" = S,A4,B,C cung thudc mit cau duong kinh SB .

Goi D latrung diém BC, I 1atrung diém SB va O 1a tam dudng tron ngoai tiép A4BC, ta
c6 Ol L(A4BC).

Goi H 1a diém di xtimg v6i B qua O = SH L (ABC)(vi OI 1a duong trung binh ASHB).
Goi BM nAI=J,tacod J trong tam ASAB.

Trong AAID, ké JN //10.Khi d6, vi BC L (JND) nén (JND)L(MBC).

Ké NE LJD,taco NE L(MBC).Do d6 d(N;(MBC))=NE.

d(4,(MBC)) 4D 4D AD AD

d(N,(MBC)) ND4D-4N 2 40 AD—;AD

Ta co —2.
5

Suy ra, d (N,(MBC))= %d(A,(MBC)) = %.

12= 12+ 12nénNJ:lo—a:>0]=§NJ=5a:>SH:1()a.
NE ND- NJ 3 2
a2\/§_5\/§a3

4 6

Xét AJND co

A 1 1
Vay Ve =§SH.SABC =§.10a.

Cau 20. (Chuyén Vinh Phuc 2019) Cho hinh chop S.ABC c6 cac canh SA=BC=3; SB=AC =4;
SC = AB =2+/5 . Tinh thé tich khéi chép S.4BC .

V390 V390 V390 V390
A- T Ea T Ca T D T
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B

+ Dung hinh chép S.4'B'C" sao cho A la trung diém B'C', B latrung diém A'C', C la
trung diém A4'B'.
+Khidé SB=AC=BA'=BC'=4 nén ASA'C'vudng tai S va
SA%+SC™* =(2.5B) =64 (1).
SA”+SB"” =80 (2)
SB?+8C"? =36 (3)
+Tur (1);(2);(3) tasuy ra SC'=+10; SB'=+26; S4'=+/54.
1 1 1 390

+ Tatinh duge Vy e =5 SC'.— 54" SB' = 390 va ¥, . = JVoawe =" (@v),

+ Tuong tu ASB'C', ASA'B' vudng tai Sva {

Céau 21. Cho hinh chép S.ABC ¢6 ASB=CSB=60", ASC =90, SA=SB=a, SC =3a . Tinh thé tich
ctia khdi chop S.4BC.

3 3 3 3
A.‘“/E. B.‘“/g. C.‘“/E. D.a‘/g.
- 4 18 12 6

Loi giai
Chon A

Cach 1:
Goi M 1a diém nam trén SC sao cho SM = %SC =a.

Ta co:

Tam giac SAM vudngtai S = AM =~/SA> +SM* = a2 .

Tam giac SBM 13 tam giac déu c6 d6 dai canh SM =SB=BM =a.
Tam gidc SAB 1a tam giac déu c6 d6 dai canh S4=SB=AB=a.

Vay AB’>+BM* = AM* = Tam gidc ABM 1a tam giac vudng tai B.
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= AABM =AASM = SI=1IB = “‘2/5 = IB* +SI° =SB* = Tam giac SIB vudng tai [

SI LIB s g
= = (ABM ) = S/ 1a dudng cao cua khoi chop SABM

SI L AM

TP X o1 \ 1 1 a*\2
The tich ctia khoi chop S.ABM 1a V .., =§.SAABM ST =g.AB.BM.SI D) (dvtt).
3

Ma —VS'ABM ZSﬂzl = Vs.ase =3Vsup = ° \/5 :

Ve ise SC 3 ' ‘ 4

. . abc 2 2 2
Cach2: Tacod Vg - = T.\/l—cos a—cos” f—cos” 0 —2cosa.cos f3.cosd
Trong 36 a=SA4; b=SB; ¢c=SC,; a:ZS'TB; ﬁ:ZS??; 5= BSC
3
= Vs ipc = a.a.3a A1=cos? 60° — cos 60° —cos’ 90" — 2 cos 60".cos 60".cos 90" == f (dvtt).
Cau 22. Cho hinh chop S.ABC c6 day ABC la tam giac déu canh 2a.Goi M 1a trung diém canh S4,
SAB =SCB =90°, biét khodng cich tr 4 dén (MBC) bing % Thé tich cta khéi chop
S.ABC bang
3 3 3
A. 10‘“/5. B. 8“@. C. 4“‘/5. D. 24°\3.
9 3 3
Loi giai
Chon A.
S
M,
AL & C

B
Vi SAB = SCB=90° = S,A4,B,C cung thudc mat cau duong kinh SB.

Goi D la trung diém BC, I 1a trung diém SB va O 1a tam dudng tron ngoai tiép A4BC, ta cd
OI L(A4BC).

Goi H 1a diém dbi xtimg v6i B qua O = SH L(ABC) (vi OI la dudng trung binh ASHB).
Goi BM N Al =J,tacod J trong tam ASAB.

Trong AAID, ké JN /10 . Khi d6, vi BC L(JND) nén (JND) L(MBC).

Ké NE L JD, tacé NE L(MBC).Do d6 d(N;(MBC))=NE.
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Cau 23.

tace HAWMBC)) ap 4D 4D 4D 9
d(N,(MBC)) ND AD—AN ,n 2,5 n_44p 5
Suy ra, d(N.(MBC)) =>d (A4,(MBC)) =L |
9 321
1 1 1 n 10a 3 Sa 10a

Xét AJND c6

s=——F+—5nén NN =—=0[==NJ=—=SH=—.
NE° ND” NJ 9 2 3 3

A 1 110a (2a)°<3 10434’
Vay VSABC :ESH'SABC :g. 3 ( 21 = 9 .
(Cum lién trwomg Hai Phong 2019) Cho hinh chép S.4ABC c6 day la tam giac déu canh a.
SAB = SCB = 90°. Goi M 1a trung diém cia SA. Khoang cach tir 4 dén mit phiang (MBC)

bang 67“ Tinh thé tich ¥ cta khéi chép S.4BC.

3 3 3 3
A.V:S\/ga . 5.1/:5‘/5" . C.V:4*/§“ . D.V:7‘/§“ .
12 6 3 12
Loi giai
Chon B

Goi 7 la trung diém cua SB.

Do SAB=SCB=90° nén I la tam mit cAu ngoai tiép hinh chop S.4BC.

Goi O latam cuaday ABC = OI 1 (ABC).

Goi H la hinh chiéu ctia S 1én mit phiang (4BC). Tacd AB L (SAH)= AB | AH. Tuong
tu, BC L CH. Suyra H thudc dudng tron ngoai tiép tam giac ABC, c6 tam 1a O nén O 1a
trung diém cua BH. Do d6, SH = 20I.

Goi N la trung diém ciia BC = IN //SC nén BC L IN = BC L (AIN)(*)

Goi G la trong tAm cua tam gidc SAB va K 1a hinh chiéu cia G 1én mit phang

(ABC) =K € 40 va GK//O]#AKz%AOz%ANzH(Nz%AN.

5 10a
d|K,(MBC)|==d|4,(MBC)|=—.
Ké KELGN;KELBC;sKEL(MBC);»d[K,(MBC)]:KE:lg—f.
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Cau 25.

TAI LIEU ON THI THPTQG 2021

Tam giac GKN vudng tai K co

: ! + ! :>GK:107a:>SH:201:3GK:10a.

KE* GK® KN’
2 3
Viy thé tich khdi chép S.4BC 1a V = % a f 10a = 5“6‘5.

(Chuyén Lé Quy Pon Dién Bién 2019) Cho t& dién ABCD c6 cac canh AD=BC=3,
AC=BD=4, AB=CD =23 . Tinh thé tich khéi t&r dién ABCD.
A V2740 B 2474 c V2047 D \J2470
12 T2 12 = 12
Loi giai
Chon D
o ’/? \\\ R
// /’ \ \\\ E "
p / \ \\ \,
/./ /é ‘ \ \\\ \
KL g k'"’\\ ------- 7 e
‘Z\'\ --------- \--f:--i—,\w"
o] \ P

Dung tir dién D.A'B'C’ sao cho 4, B, C lan luot 13 trung diém cua B'C', A'C', A'B'.
Theo cach dung va theo bai ra c6: AC=BC'=BD.

Xét tam giac DA'C’ ¢6: BD 1a duong trung tuyén va A'B=BC' = BD = ADA'C’' vudng tai
D.

Chirng minh tuong tu ta cling ¢c6: ADB'C’, ADA'B’ vuodng tai D.

Khi @6 t dién D.A'B'C' ¢6 cac canh DA', DB', DC' d6i mdt vudng goc vdi nhau.
7. 1 1 2 ' 2

Taco: Ve, = ZVD.A’B’C’ = QDA .DB'.DC".

DA? +DB* =48 [DA4?=38 |DA'=38
Theo bai ra ta c6: { DA + DC™ = 64 <> { DB =10 < { DB’ =+/10
DB”+DC"” =36 |DC”=26 |pc'=26

Vay ¥ pep :iDA’.DB’.DC’zz—Z.\/ﬁ.\/ﬁ.\/T = “21‘;70.

Cho tir dién ABCD c6 DAB=CBD=90% AB=a; AC=a/5; ABC =135°. Biét goc giita
hai mit phing (4BD), (BCD) béing 30°. Thé tich cua tit dién 4BCD la

3 3

a
23"
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Cau 26.

Loi giai

Chon C

Goi H thudc mit phang (4BC) va DH 1 (ABC).

BA 1 DA BC L BD
Ta co = BA 1 AH. Tuong tu = BC 1 BH.
BA 1 DH BC 1. DH

Tam giac ABH c¢6 AB=a; @=135°; CBH =90° = ABH =45° suy ra AABH vudng
cintai A > AH=AB=a.
Ap dung dinh 1y césin ta c6 BC = av2.

1

4BC T A
2

2
a

BA.BC.sinZB\C = %.a.aﬁ.% =—,

Dién tich tam giac ABC: S 5

Ké HE , HF lan luot vudng goc voi DA, DB.
Suy ra HE 1 (ABD), HF L(BCD) nén gbc giira hai mit phang (4BD), (BCD) bang goc

EHF.
.DH
Tam giac EHF vuodng tai E,ta co [—]E:a—’ HF:M.
—  HE DH?+24%
ki PO
HF 2.DH’ +24°

3
Thé tich ttr dién ABCD 1a V., :%.DH.SMBC :%.

Cho hinh lang try déu ABC.4'B'C’ . Biét khoang cach tir diém C dén miit phing (ABC’) bang

a, goc giita hai mat phang (4BC') va (BCC'B’) bang a véi cosa = —x=. Tinh thé tich khoi

23

ling tru ABC.A'B'C’.

3 3 3 3
A.V:3a\/§. g.V:3“‘/§. C.V:aﬁ. D.V:3a\/§.
4 2 2 8
Loi giai

a
=
S
=
I=
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Goi M, N lan luot 1a trung diém cua 4B va BC

AB L CC’ , . .
Do = AB L (MCC')=(4BC") L (MCC').
AB 1 CM
Ké CK vudng goc véi CM tai K thi ta duge CK L (4BC'), do d6 CK :d(C;(ABC’)): a.
bat BC =x,CC' = y,(x>0,y>0), ta dugc: CMz%
SR S @i+i—i(1)
CM?> CC”? CK* "3x* a2V
Ké CE L BC' tai E., taduoe KEC— o, EC—XC ___¢@ :a\E.
sina \/1_1 11
12
11 1 11
Laicd ?—1-7: CE = Ty (2)
Giai (1),(2) ta duoc sza,yz#.

Thé tich khéi lang tru ABC.A’'B'C’ 1a:
xz\/g _ a\/g 4a2\/§ _ 3x/§a3
4 2 4 2
Cau27. (Chuyén Nguyén Trii Hai Duwong 2019) Cho hinh hop ABCD.A'B'C'D’ c¢6 A'B vudng goc
v6i mit phang day (ABCD) . Géc giita A4' v6i miat phang (ABCD) bang 45°. Khoang céch

V=y

tr 4 dén cac duong thang BB' va DD' bang 1. Goc gilta mit phang (BB'C 'C ) va mit phang
(CC'D'D) bing 60°, Tinh thé tich khoi hop da cho.
A 3. B.2. c.\3. D. 33
Loi giai
Chon A
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Cau 28.

Tacé A'B L (ABCD)=>(AA', ABCD)= AA'B = B'BA = 45"
Vi d(A,BB')=d(A,BB")= A'H =1 (H 1ahinh chiéu cia 4 lén BB'). Suy rata co
A= 5 i A'B=A'B 1an(BB'A)=\2

sm(BB'A)
Gan hé tryc toa do gdc A4’ v6i diém B e Oz, B' € Oy va mit phang (A'B'C'D') E(Oxy). Ta cod
toa d cac diém 4'(0,0,0), 8(0,0.42).8'(0.42,0).
Tacd De(Ow), gid sit D'(a,b,0);a2 0= C'(a,b++/2,0).

Chon 7 =(-b,a,a) va n

(BB'C'C)

=(1,0,0).

(pp'cre)

Vi goc giita mit phang (BB'C'C) vamat phang (CC'D'D) bang 60°. Ta co

o Vs
60°) = | oSb=+
COS( ) b*+2a’ 3 ¢

xX=a
Mit khac ta c6 dudng thing DD’ c¢6 phuong trinh { y =bh—¢ 4. Vi khoang cach tir 4 dén
z=t

duong thing DD’ bang 1. Ta co:

ADu,, [ +2a"
d(A,DD'o)zd(A',DD')J[ - J@ bj;“ =V +2a> =\2=b=+2
u,,
Truomg hop 1: D(V3.32,0) =V uep gpep = A'BS iy = \5.‘ (4B ]

Truong hop 2. D(‘/— \/_O)DVABCDABCD A'BS ey \/_‘ A'B D] 2\/_

(Chuyén Thoai Ngoc Hiu - 2018) Cho ling tru ABCD.A'B'C'D' ¢6 ddy ABCD 1a hinh chit
nhat véi AB =/6,4D =/3,4'C =3 va mit phing (44'C'C) vudng goc véi mit day. Biét hai
mit phang (4A4'C'C),(AA'B'B) tao vé6i nhau goc o thoa min tana = % Thé tich khéi ling

tru ABCD.A'B'C'D’ bang?
A. V=8, B.V=12. C.V =10. D.V=6.
Loi giai
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A c
T =7\
v\ S~ S ‘\I
b~ - \B' \
M \ \
\I \' \‘1
\ \ \
s it
\ > i
\e-- ~\
K B

Goi H 1a hinh chiéu cia B 1én (ACC'A’), vy BH L(ACC'A").

AC =\JAB*+BC? =3;BH = C’>-BH® =1;

4BBC _ 6B _ 5o
AC 3 ’

AH=AC-HC =2.
Ké HK 1 AA',(K e AA"), AA’ L BH vi BH 1 (ACC'A’) nén AA' 1 BK .

((’WACC’A’)) = BKH ; ABKH vuéng tai H .

— BH _ 3 _\2 _4f
3

tan BKH = —— < — = KH 2

KH 4 KH
Goi M 1a trung diém AA'. Tam giac A'C'A cantai C', (AC=A'C'=AC'=3)
=C'M1LAA' = KH//C'M.
SACM o AHK = arm = AKAC ) o qare 2. cmACKH o
AH AH

4“2
3

AH? — AK? =

Sycen =C'M.AA'=d(AAC).AC =42 = d(A}AC) =

. 4[
Vasco asen d(A AC) ABCD T T 5 \/7\/7 8.

Cau29. (Cum 5 Trwong Chuyén - Pbsh - 2018) Cho hinh lang try dtng ABC.A'B'C" c6 day la tam
giac ABC vuodng can tai 4, canh BC = a6 . Goc gilta mit phang (4B'C) va mat phang
(BCC'B') bang 60°. Tinh thé tich ¥ ciia khdi da dién AB'CA'C".

3 3 3
A. 3. B.3‘“B C a'\3 a‘ﬁ.

. . . D.
2 2 3

Loi giai
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-

,,,,,, b
A &gzt e

~————
-

Khéi da dién AB'CA'C’ 1a hinh chép B'.ACC'A’ ¢6 A'B' L (ACC'A').
Tir gia thiét tam giac ABC vudng can tai A, canh BC = a6 ta suyra AB=AC= a3 .

a6

Goi M 1a trung diém cia BC,suyra AM 1 BC va AM = 2

= AM 1 (BCC'B')= AM L B'C (1).

. | AM 1L BC
Ta cé
AM | BB’

Goi H 1a hinh chiéu vudng gbéc ciia M 1én B'C, suyra MH L B'C (2).

T (1) va (2) tasuy ra B'C L (AMH ). Tlr d6 suy ra goc gitta mét phang (4B'C) va mit phang

(BCC'B'") 1a goc gitta AH va MH . Ma tam gidc AMH vudng tai H nén = AHM =60°.

= MH = AM .cot 60° = a\/g.L: av2 .
2 32
a2
., , A , ., A . T MH 2 1
Tam giac B'BC dong dang voi tam giac MHC nén suy ra sin HCM =——= =—
MC a6 3
2

:>1+tan2]\7(_]7{: — = =—=tan MCH =
1—sin* MCH l—l 2

3

IEERR N
2

= BB'= BC.tanAﬁ = ax/g.g = ax/§

=V were =V acow = %B’A’.AC.AA’ = %.a 3.aV3.a3=d\3.

HET
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TAI LIEU ON THI THPTQG 2021
Chuyén dé 13 Ti SO THE TicH

TAI LIEU DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM
PHUONG PHAP CHUNG

1. K§ thuat chuyén dinh

ci mdi
A. Song song day
‘/('ﬁ = ‘/mz'fi / : day
' B //
B' Cét déy mdi
Va _ Giaoci 1A
\%4 Giaomoi IB

moi

2. K¥ thuat chuyén day (dwong cao khong doi)
‘/cﬁ _ de}'
Vv

moi

S

day méi

-Pé k¥ thuét chuyén day duogc thuén loi, ta nén chon hai day c6 cung cong thirc tinh di¢n
tich, khi d6 ta s& d& dang so sanh ti s6 hon.

- C4 hai k¥ thuat déu nhim muc dich chuyén da dién ban dau vé da dién khéac d@ tinh thé tich
hon.
3. Ti s6 dién tich ciia hai tam gidc
Spoun _ OM.ON

Sure  OP.OQ

4. Ti s6 thé tich ciia khoi chop

A. Cong thirc ti s0 thé tich ciia hinh chép tam giac
Vi we SA SB'SC

Cong thuc trén chi 4p dung cho hinh chop tam giéc,

do d6 trong nhiéu trudng hop ta can

hoat phén chia hinh chép da cho thanh nhiéu hinh

chop tam giac khac nhau rdi méi ap dung.

B. Mot s6 truwdng hop dic biét

N SA _SB, _SC, _SD Vsancn, pE

—L =k thi
SA  SB SC SD

Néu (ABC,D,)|I(ABCD) v

S.ABCD

Két qua van dang trong truong hop day 1a n — giac.
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5. Ti so thé tich cia khoi ling tru
A. Lang tru tam giac

Goi V 1a thé tich khéi lang try, V( " 1a thé tich khéi chop tao thanh tir 4 trong 6 dinh cia lang try,

V(S) 1a thé tich khéi chép tao thanh tir 5 trong 6 dinh cua lang try. Khi do:
Yo = %
Vo = %V

B. Mt phing cit cic canh bén ciia ling tru tam giac
Goi V,, V, va V lan lugt la thé tich phan trén, phan dudi va lang tru. Gia sir

AM CN BP = B"
; :m; ) :n’ ' = p M 3
AA CC BB - 5 1'1
Khl dé ‘/2 :wv m T od
v, P
AN - B
N
KhiMEA',NECthiﬁzl,C—NZO P
AAY CC! &

6. Khoi hop
A. Ti s6 thé tich ciia khoi hop
Goi V 1a thé tich khdi hop, V,

do:

V( " (hai dudng chéo cua hai mit phang song song) :%

\ oV
V( 9 (truong hop con lai) = P

, Vv %
Vidu: Ve = E’VA'C'D'D = g

B. Mit phing cit cac canh ciia hinh hp (chi quan tam t6i hai canh d6i nhau)

DM A
—_— x 7 Br
1 + i
DD™ Ly Xy
_B P = 2 o’ P
BB Yy
M| gy
T 13 \“ N B
Dk o

o 12 thé tich kh6i chop tao thanh tir 4 trong 8 dinh cuia khdi hop. Khi

Ciaul. (THPT Quynh Lwu 3 Nghé¢ An 2019) Cho hinh chép S.ABC. Goi M, N, P lan luot la trung

diém cua S4, SB, SC . Ti sb thé tich Vsanc bang

S.MNP
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Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 7.

Cau 9.

Cau 10.

Cau 11.

TAI LIEU ON THI THPTQG 2021
A.12. B. 2. C. 8. D. 3.

(THPT L& Vin Thinh Bic Ninh 2019) Cho t&r dién MNPQ. Goi I; J; K lan luot 13 trung

2 .2 V .
diém cua cac canh MN ; MP; MQ . Ti sb thé tich -2’ bang
MNPQ

1 1

A, — B. C. 1 D. —
3 6 8
(THPT Lé Van Thinh Bic Ninh 2019) Cho hinh chop S.ABCD. Goi A’, B, C', D' theo thir tu

1a trung diém ctia SA, SB, SC, SD . Tinh ti s6 thé tich ctia hai khéi chép S.A'B'C’'D’ va S.ABCD.

AL B. 1 c.t p. L
16 4 8 2

Cho hinh chop S.4BC. Goi M , N, P theo tht ty 13 trung diém ctiia S4,SB ,SC . Tinh ti s6 thé
tich caa 2 khdi chop S.MNP va S.ABC bing
1 1 1 1
A. —. B. —. C.—. D. —.
4 8 16 2
(SGD Hung Yén 2019) Cho khéi chop S.ABC c6 thé tich V. Goi B',C’ lan luot 13 trung diém

cia AB, AC . Tinh theo ¥ thé tich khdi chop S.AB'C’.

NG

1

ALy B Ly, c.Lly. D. —V.
3 2 4

12
(THPT Thing Long 2019) Cho hinh chép S.ABCD, goi I, J,K ,H lan luot 1a trung diém cac
canh S4,SB,SC,SD. Tinh thé tich khdi chop S.4BCD biét thé tich khéi chép S.IJKH bang 1.
A. 16. B. 8. C.2. D. 4.

Cho hinh chép S.4BC, trén cac tia SA,SB,SC lan luogt 1y cac diém A', B', C'. Goi V,, V,
lan luot 1a thé tich khéi chop S.4ABC va S.4'B'C'. Khing dinh nao sau day 1a dung?
AN _S4 88 8C gV 1 SB SC o V_S84 58 p. /L_584 SB SC

v, SA' SB SC' v, 2°SB'SC' V, SA'SB' V, SA' SB'SC'
(Gia Lai 2019) Cho khdi chop SABC c¢6 thé tich bang 5a°. Trén cac canh SB, SC lan luot lay
cac diém M va N sao cho SM =3MB, SN = 4NC (tham khao hinh v&). Tinh thé tich V' cia
khdi chop AMNCB .

A. V:§a3. B. V:§a3.
5 4

C.V=a. D.V =2a’.

Néu mét hinh chop tir giac déu co chidu cao va canh day ciing ting 1én 2 1an thi thé tich cia no
tang 1én bao nhiéu 1an?

A. 2 lan. B. 4 lan. C. 6 lan. D. 8 lan.

Trén ba canh 04, OB, 0C cua khoi chop 0.4BC lan luot léy cac diém A, B, C' sao cho
204' =04, 40B'=0B va 30C'=OC. Ti s6 thé tich giita hai khdi chop 0.4'B'C’' va 0.4BC la
1 1

AL B. L. c. L. p. L.
12 24 32 16

. . o V. §
Cho khoi chop SAB.C, M 1a trung diém ciia SA. Ti so0 the tich —£42< bang
S.4ABC
A

B. C. 2. D

1
g

N | =

1
e
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Cau 12.

Cau 13.

Cau 14.

Cau 1.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

(THPT Hoa L A - 2018) Cho khdi t dién ABCD c6 thé tich V' va diém E trén canh 4B sao
cho AE =3EB. Tinh thé tich khéi t& dién EBCD theo V.
AL B. .. c . p.~.

4 3 2 5

(Chuyén Vinh - 2018) Cho khdi chop S.ABCD c6 thé tich ¥ . Cac diém 4', B', C' tuong tng
1a trung diém cac canh S4, SB, SC . Thé tich khoi chép S.4'B'C’ bang

AL B. .. c.”. p. .
8 4 2 16
(THPT Cao Ba Quat - 2018) Cho tir dién déu ABCD c6 canh a. Trén cac canh 4B, AC lan

luot 1ay cac diém B',C' sao cho AB'=%,AC'=%. Ti sb thé tich cua khdi ta dién AB'C'D va

khéi ta dién ABCD 1a
1

A, —. B.l.
2 3

S
D | —

(Sé Nam Pinh - 2019) Cho khéi ling try ABC.A'B'C’ c6 thé tich bang V. Tinh thé tich khéi da
dién BAA'C'C.
k1% 2V v v
A —. B. —. C.—. D. —.
4 3 2 4
(Chuyén Lé Thanh Téng 2019) Cho lang tru 4BC.A'B'C’', M 1a trung diém CC’. Mit phang

(ABM) chia khéi lang tru thanh hai khéi da dién. Goi ¥, 1a thé tich khdi lang tru chtra dinh C va

2 . U
¥, 1a the tich khoi da dién con lai. Tinh ti s0 71 .
2

A. B. C. D. %

| —
| —
N |~

Khdi lang try ABC.A'B'C' c6 thé tich bang 6. Mit phing (A'BC") chia khdi lang try thanh mot
khéi chop tam giac va mot khdi chop tir giac co thé tich 1an luot 1a
A. 2 va 4. B. 3 va3. C.4va2. D.1vas.
Cho khéi ling tru tam giadc ABC.4'B'C’ c6 thé tich V. Goi M 1a trung diém ctia canh CC’. Mt
phang (MAB ) chia khdi lang try thanh hai phan c6 ti s6 k£ <1.Tim k?
A2 B.>. c.l. D. L.

5 5 5 6
(THPT Thiing Long 2019) Mot khéi lang tru ttr giac déu co thé tich 1a 4 . Néu gap doi cac canh
day dong thoi giam chiéu cao ctia khéi ldng tru nay hai 1an thi duoc khéi ling tru méi c6 thé tich
la:
A. 8. B. 4. C. 16. D. 2.
Biét khdi hop ABCD.A'B'C'D' c6 thé tich ¥ . Néu ting mdi canh ciia hinh hop d6 1én gip hai
lan thi thé tich khbi hop moi la:
A. 8. B. 41 . C.2)V. D. 16V .

Cho hinh lang tru dmg ABC.A'B'C’' ¢6 M 1a trung diém ciia AA'. Ti s6 thé tich Hosane bang

ABC.A'B'C’

Trang 4 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




Cau 8.

Cau 10.

Cau 11.

TAI LIEU ON THI THPTQG 2021

AL B. L. c. L. p. L.

6 3 12 2
(HKI-NK HCM-2019) Cho lang try tam gidc ABC.A'B'C’ c6 thé tich 1a V. Goi M 1a trung
diém canh A44'. Khi d6 thé tich khéi chop M.BCC'B' 1a
AL B. 2. c’. p.~.

2 3 3 6
(THPT Hoang Hoa Tham - Hung Yén 2019) Cho ling try ABC.A'B'C’. Biét dién tich mat bén
(ABB'A’) bang 15, khoang céch tir diém C dén (ABB'A’) bang 6. Tinh thé tich khoi lang tru
ABC.A'B'C'.
A. 30. B. 45. C. 60. D. 90.
(Chuyén - Vinh Phiic - 2019) Cho khdi ling tru ABC.A'B'C’ ¢6 thé tich bang ¥ . Tinh thé tich
khdi da dién ABCB'C' .
14 14 3y 2V

5

A, —. B. C. —. D. —.
4 4 3

Cho hinh hop ABCD.A'B'C'D" ¢6 I 1a giao diém cia AC va BD.Goi V, va V, lan luot 1a thé

tich ctia cac khdi ABCD.A'B'C'D' va I.A'B'C'. Tinh ti sb 5.
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TAI LIEU ON THI THPTQG 2021

Chuyén d& 13 Ti SO THE TiCH VA CAC BAI TOAN LIEN QUAN

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA — GIOI MUC 7-8-9-10 PIEM

LY THUYET CHUNG

1. K§ thuit chuyén dinh
A. Song song day

‘/cﬁ = ‘/mz'fi
cii mdi
P
B. Cit day
Vi _ Giaoci 1A
Vs Giaomoi IB

2. Ky thuat chuyén day (dwong cao khong doi)

Vaz — Sda”'y
Vmo"i Sda"'y mai

-Pé k¥ thuéat chuyén day dugc thuén lgi, ta nén chon hai day cé cung cong thirc tinh dién
tich, khi d6 ta s& d& dang so sanh ti s hon.

- Ca hai k¥ thuat déu nham muc dich chuyén da dién ban dau vé da dién khac dé tinh thé tich
hon.

3. Ti s6 dién tich ciia hai tam giac
Swomy _ OM.ON
Smpg  OP.OQ

(@)

4. Ti s6 thé tich ciia khoi chop
A. Cong thirc ti s0 thé tich ciia hinh chép tam giac
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Vousr _SM SN SP

Viwe SA'SB'SC

Cong thirc trén chi ap dung cho hinh chop tam giac, do d6 trong nhiéu truong hop ta can
hoat phén chia hinh chép da cho thanh nhiéu hinh chdp tam giac khac nhau rdi méi ap dung.
B. Mt s trwomg hop dic biét

Néu (AB,C,D,)II(ABCD) va S 3B _SC, 5D, _
SA SB SC SD

thi ‘/S.A]BICIDI -

S.ABCD

Két qua van dang trong truong hop day 1a n — gidc.

5. Ti s6 thé tich ciia khéi ling tru

A. Lang tru tam giac

Goi V 1a thé tich khdi lang tru, V( 9 1a thé tich khoi chop tao thanh tur 4 trong 6 dinh cda lang try,

V(S) 1a thé tich khéi chop tao thanh tir 5 trong 6 dinh ciia lang try. Khi d6:
1%

Yo=3
2

Yo =3V

v 2v
3

sVapape = 3
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B. Mit phing cit cac canh bén ciia ling tru tam giac
Goi V;, V, va V lan lugt 14 thé tich phan trén, phan dudi va lang tru. Gia str
AM CN BP

m

Khi dé: V, :w.v

Khi M=A'",N=C thi A—M=1,C—N—O
AAT U CC

6. Khoi hop

A. Ti s6 thé tich ciia khéi hop

Goi V 1a thé tich khdi hop, V, la thé tich khdi chop tao thanh tir 4 trong 8 dinh cta khdi hop. Khi
do:

V( " (hai dudng chéo cua hai mit phang song song) =%

. NN 4
V( 9 (truong hop con lai) =€

DF

D
Vidu: V v %

A'C'BD — E’V ACDD —

B. Mit phing cit cac canh ciia hinh hp (chi quan tim t6i hai canh d6i nhau)
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DM
DDAy 2y
BP _ 2
BB

B

\

‘4?§%%’r'
i ///%/

Dang 1. Ti s6 thé tich khdi chép — khdi ling

Cau 1.

Cau 3.

Cau 5.

(HSG 12-S¢ Nam Pinh-2019) Cho t&r dién ABCD c6 thé tich ¥ v6i M, N lan luot 1a trung

diém AB,CD.Goi V,,V, lan lugt 1a thé tich cta MNBC va MNDA . Tinh ti 16 ——2 d +V

1 1
A. 1. B. —. C. —.
2 3
(THPT Thuan Thanh 3 - Bic Ninh) Cho hinh chép S.ABCD c¢6 day la hinh binh hanh. Goi

D.

W | N

, , , , V.
M vaN la trung diém cac canh SA4,SC, mit phing (BMN) cit canh SDtai P. Ti so 224

SABCD

bang :
A. I/SBMPN — i . B. I/SBMPN — l - C. I/SBMPN — i . D. I/SBMPN — l .
VSABCD 1 6 VSABCD VSABCD 1 2 VSABCD 8

Cho ti dién ABCD. Goi B',C' lan luot 13 trung diém ciia 4B va CD. Khi d6 ty s6 thé tich cua
khdi da dién AB'C'D va khdi tir dién 4BCD bang
AL B. L. c.l D. L.
2 4 6 8
Cho hinh chép S.4BCD day 1a hinh binh hanh. Goi M, N lan luot 14 trung diém cua S4,SC.

Mit phang (BMN) cat SD tai P. Tis6 Vs bang:

S.ABCD

A Vs puen :L B Vs puen :l C. Vs puen :L D. Vs puen :l

VSABCD 16 . VSABCD 6 ‘ VSABCD 12 . VSABCD 8 .

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh. Goi K, M lan luot 1a trung diém cua
cac doan thang S4, SB, («) 1a mit phing qua K song song voi AC va AM . Mit phiang («)
chia khéi chép S.4BCD thanh hai khéi da dién. Goi V] 1a thé tich cta khdi da dién chia dinh S

val,la thé tich khdi da dién con lai. Tinh ti s0 ;
2
N B VS ch_l p o
Vv, 25 v, 11 v, 17 v, 23
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Cau 6.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
(THPT Hai Ba Trung - Hué - 2019) Cho hinh chép tir giac déu S.ABCD . Mit phing (P) qua

A va vudng goéc voi SC cit SB, SC, SD lan luogt tai B, C’, D'. Biét C' 1a trung diém cua SC.

Goi ¥, V, 1an lugt 1a thé tich hai khdi chép S.4B'C'D’ va S.ABCD . Tinh ty s6 %
2

A2 B.5=3. c. i 4 D.5=l.
v, 3 vV, 9 v, 9 v, 3

Cho hinh chép S.4ABCD . Goi A', B', C', D’ theo thir tu 14 trung diém cua S4,SB, SC,SD . Tinh
ti s6 thé tich cua hai khéi chop S.4'B'C'D’ va S.ABCD .
1 1

A, —. B. —. C.l. D.
16 4 8

(Chuyén Hung Vwong Gia Lai 2019) Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh

|-

hanh, trén canh SA4 lay diém M va dat % =x. Giatri x dé mat phiang (MBC) chia khdi chop

da cho thanh hai phan c6 thé tich bang nhau la:

A.le. B.x=£. C.x=£. D.x=£.

2 2 3 3
Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan luot 13 trung diém cia
cac canh AB, BC.Piém [ thudc doan SA. Biét mit phang (MNI) chia khéi chop S.4BCD
thanh hai phan, phan chira dinh S c¢6 thé tich bang % lan phan con lai. Tinh ti s6 & = % ?

A B. C D.

W | N
W

1 1
5 =

Cho hinh chép S.ABC ¢6 SA=6,SB=2,SC =4, AB = 2410, SBC = 90°, ASC =120°. Mt phing
(P) di qua B va trung diém N cua SC dong thoi vudng goc voi (SAC) cit SA tai M. Tinh ti s6 thé

tich k = Lsouy

S.ABC

A k=2, B. k=1, C. k=1, D. k=2,

5 4 6 9
(Dé tham khao 2017) Cho khéi tir dién c6 thé tich bang ¥ . Goi V' 1a thé tich cua khéi da dién
c6 cac dinh Ia cac trung diém cua cac canh caa khoi tir dién da cho, tinh ti s6 V7

N B. L -1 c -2 p. -2
Vo2 Vo4 Vo3 Vo8
Cho tir dién ABCD, trén cac canh BC,BD,AClan luot liy cac diém M,N,Psao cho

BC=3BM, BD = %BN, AC =2AP. Mit phang (MNP)chia khéi t dién ABCD thanh hai khdi

da dién co thé tich 1a ¥],V,, trong d6 khi da dién chira canh CD c6 thé tich 1a V. Tinh ti s6 ;
2
Vi _26 Vi _26 no_1s

A == B. L=22 C. =2 p. -3
v, 19 v, 13 v, 19 v,
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cho tir dién ABCD. Xét diém M trén canh AB, diém Ntrén canh BC, diém Ptrén canh

MB NB PC 3 , .
CD sao cho =3, =4, =—. Goi V,V, theo thtr ty 1a thé tich cac khoi tor dién
MA NC PD 2

Vs
MNBD va NPAC . Tiso 7‘ bang

2

A. 3. B.5. C. D.

| —
W | =

(SGD Pién Bién - 2019) Cho khéi chép S.ABCD c6 d4y 1a hinh binh hanh. Goi M, N 1a hai diém

nam trén hai canh SC, SD sao cho Sﬂ = l,S—N =2,biét G la trong tam tam gidc SAB. Ti s6 thé
SC 2 ND
tich Yoo _ M m, nla cac s nguyén duong va (m,n)=1. Gid tri ciia m+n bang:
s.apcp N
A. 17 B. 19 C.21 D.7

(Sé Bic Ninh 2019) Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M,N lan luot 1a
trung diém ctia S4,SB . Mit phang (MNCD) chia hinh chép da cho thanh hai phan. Ti s6 thé tich

hai phan 14 (s6 bé chia s6 16n)

3 3
A. —. B. —. C.

4
D. —.
5 4 5

W | —

Cho hinh chép S.ABCD. Goi M, N, P, Q theo thu tu 14 trung diém cua SA4, SB, SC, SD.

Goi V;, V, lan lugt 1a thé tich ctia hai khéi chop S.MNPQ va S.ABCD . Ti s6 % bang

2

|
A, —. B. D. —.
16 4

(Hong Quang - Hai Dwong - 2018) Cho hinh chép S.ABC, M va N la cac diém thudc cic canh
SA va SB sao cho MA=2SM, SN =2NB, (&) la mit phing qua MN va song song voi SC.
Mit phing (c) chia khdi chép S.4BC thanh hai khéi da dién (H,) va (H,) véi (H,) 1akhéi da
dién chtra diém S, (H,) 1a khéi da dién chira diém 4. Goi ¥, va V, lan luot 1a the tich cia (H, )

|
C.

o | —
N | =

_l .
£
AL B.>. .2 p. 2.
5 4 4 3
(THPT Tran Phi - Pa Ning - 2018) Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh thoi canh
a, BAD=60° va SA vuéng goc v6i mat phing (ABCD). Géc giira hai mat phang (SBD) va

va (H,). Tinh ti s6 4
4

(ABCD) bing 45°. Goi M la diém ddi xtimg clia C qua B va N 14 trung diém cta SC . Mit
phang (MND) chia khdi chép S.ABCD thanh hai khéi da dién, trong d6 khoi da dién chira dinh
S c6 thé tich ¥;, khéi da dién con lai ¢ thé tich ¥, (tham khdo hinh v& bén).
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Cau 19.

Cau 20.

Cau 21.

Cau 22.

TAI LIEU ON THI THPTQG 2021

Tinhﬁséﬁ.
v,
A L2 B -2 ch 1l p. LT
v, 7 v, 3 Vv, 5 v, 5

(THPT Nguyén Thi Minh Khai - Ha Tinh - 2018) Cho hinh chép S.ABCD c¢6 day ABCD la
hinh chit nhat. Mt phang () diqua 4, B vatrung diém M ciia SC . Mit phang (@) chia khéi

chop di cho thanh hai phan c6 thé tich 1an lugt 1a V;, ¥, véi V, <V,. Tinh %
2
VLAY g Ll ekl p. L3
oS 3 , 4 v, 8

(THPT Kinh Mén - Hii Dwong - 2018) Cho tit dién déu ABCD canh a. Mt phang (P) chira
canh BC cit canh AD tai E. Biét goc giita hai mit phang (P) va (BCD) ¢6 sd do 1a o thoa

52

mén tana =—=. Goi thé tich cua hai tir dién ABCE va ta dién BCDE lan lugt 1a ¥V, va V.

Tinhtiséﬁ.
v,
A.i. B.>. c.i. D.l.
5 8 8 8

(Thpt Tt Ky - Hai Dwong - 2018) Cho khéi chop tir gidc S.ABCD c6 day 1a hinh binh hanh.
Goi M 1a trung diém cta SC, mit phing (P) chira AM va song song BD chia khéi ch6p thanh
hai khi da dién, dit ¥, 1a thé tich khéi da dién c6 chira dinh S va ¥, la thé tich khdi da dién co

V.
chia day ABCD . Tiso —% la:

4
A3 B. 22, c. o, p. 23
4 4 4 2
(THPT Ly Thai T6 - Bic Ninh - 2018) Cho diém M nim trén canh SA4, diém N nim trén
canh SB cua hinh chép tam gidc S.ABC sao cho %:%’ i]—]; =2. Mat phang (a) qua MN va

song song véi SC chia khdi chop thanh 2 phan. Goi V, 1a thé tich cua khdi da dién chtra A4, v, 1a

Ao 5 K. ‘A N . , . X V
thé tich ctia khoi da dién con lai. Tinh ti s6 —L?
2

A.

B.

4
-

IS
-Jk'l W

IS
@)
RS
Il
| i
=
s
Il
W |
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

(Chuyén KHTN - 2018) Cho khéi chop tir gidc S.ABCD . Mit phing di qua trong tdm céc tam
gidc SAB, SAC, SAD chia khdi chop thanh hai phan c6 thé tich 1a ¥; va V, (¥, <V,). Tinh ti 1¢
h

£

A.i. B.E. C.ﬁ. D.E.

27 81 19 75

Cho ling tru ABC.A'B'C'. Trén cic canh AA',BB' lan luot lay cic diém E,F sao cho
AA' = kA'E,BB' =kB'F. Mt phang (C'EF') chia khoi lang tru dé cho thanh hai khéi da dién bao

gdém khéi chop C".4'B'FE c6 thé tich ¥, va khdi da dién ABCEFC' c6 thé tich V,. Biét rang

2
=—, tim k.

SIS

A k=4, B. k=3, C. k=1. D. k=2.
Cho khéi da dién nhu hinh v& bén. Trong d6 ABC.4'B'C" 1a khéi lang tru tam giac déu c6 tat ca
cic canh déu bang 1, S.4BC 1a khoi chop tam gidc déu c6 canh bén S4 = 3 Mt phang (S4'B")

chia khéi da dién di cho thanh hai phan. Goi ¥} 1a thé tich phan khéi da dién chtra dinh 4, ¥, 1a
thé tich phan khdi da dién khong chira dinh 4. Ménh d& nao sau day ding?

A. T2V, =5V, B.3V =V,. C. 24V, =5V,. D. 4V, =5V,.

Cho khdi lang try dimg tam giac ABC.A'B'C'. Goi M,N,P,Q lan luot 1a cic diém thudc A4,

AM 1 BN 1 1 ! 1 .
AA' ,BB', CC', B'C' thbamin —=—, —=—, C—N=—, CQ:—. Goi V, V, 1a thé tich
AA' 2 BB' 3 CC' 4 CB 5

khéi ttr dién MNPQ va ABC.A'B'C'. Tinh ty s %
2
A 1L p. A1l ch p. .22
v, 30 v, 45 v, 45 v, 45

(Chuyén Ngir - Ha Ngi - 2018) Cho hinh ling try ABC.A'B'C'. Goi M, N, P lan luot 1a cac
diém thudc cac canh AA’, BB', CC' sao cho AM =2MA', NB'=2NB, PC = PC'. Goi V., V,

lan luot 1a thé tich cua hai khdi da dién ABCMNP va A'B'C'MNP . Tinh ti sd 9
2
AL . a_l c. o p. .2
2 2 2 VZ 2 3
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Caul. (DPe minh hoalan 1 2017) Cho t&r dién ABCD c6 cac canh AB, AC va AD d6i mdt vuong goc

v6i nhau; AB=6a, AC=7a vaAD=4a. Goi M ,N,Ptuong ng 13 trung diém cac canh
BC,CD, DB. Tinh thé tich ¥ cua ti dién AMNP .

AV="q B. V =144° C. V:?cﬁ D. V=74’

Ciau2. (THPT Thing Long 2019) Cho hinh chép S.ABCD, goi I, J,K ,H lan luot 1a trung diém cac
canh S4,SB,SC,SD. Tinh thé tich khdi chop S.4BCD biét thé tich khéi chép S.IJKH bang 1.
A. 16. B. 8. C.2. D. 4.

Ciu 3. Cho hinh chop tir giac déu S.ABCD c6 ddy ABCD 1a hinh vudng canh 2a. Mit bén tao v6i day
goc 60°. Goi K 1a hinh chiéu vudng goc cua O trén SD. Tinh theo a thé tich khéi tir dién
DKAC

3 3 3
A.V:4a1;/§. B.V:4“5*/§. C.V:zals*/g.

Ciu4. (Chuyén - KHTN - Ha Noi - 2019) Cho khdi chép S.ABCD c6 thé tich bang 32. Goi
M ,N,P,Q lan luot 1a trung diém S4, SB, SC,SD . Thé tich khbi chép S.MNPQ biang
A. 16. B. 8. C. 4. D.2.

D. V:a3\/§.

Cau5. Cho hinh chop S.4BCD c6 ddy ABCD 1a hinh thoi. Goi D’ 1a trung diém SD, mit phing chta
BD' va song song voi AC lan luot cit cac canh SA, SC tai A4’ vaC’. Biét thé tich khoi chop
S.A'BC'D' bang 1, tinh thé tich V' cta khdi chop S.ABCD .

A.Vzg. B.V:E. C.V=6. D.V =3.
2 2

Ciau 6. Cho tardién ABCD c6 thé tich béng 1.Goi M, N, P lan luot la trong tam cuia tam giac

ABC, ACD, ABD. Tinh thé tich cua t dién AMNP .
1 2

A, —. B. —. C. D. —.
27 9 27

Cau7. (S& Cin Tho - 2019) Cho khdi chép S.ABCD co thé tich bang 18, diy ABCD 14 hinh binh
hanh. Biém M thugc canh SD sao cho SM =2MD . Mit phang (ABM ) cét duong thang SC tai

N . Thé tich khdi chop S.ABNM bang
A. 6. B. 10. C.12. D. 8.

W | —

Cau8. Cho khéi lang try ABC.A'B'C'. Piém M thudc canh A'B’ sao cho A'B'=3A4'M . Pudng thing
BM cit duong thing AA' tai F, va duong thing CF cit duong thang A'C’ tai G, Tinh ti s6
thé tich khdi chop FA'MG va thé tich khéi da dién 161 GMB'C'CB

L B. . c. > D. L.
11 27 22 28

Ciau 9. (S& GD Nam Pinh 2019) Cho tir dién ABCD c6 thé tich bang V', hai diém M va P lan luot 1a

trung diém cia AB,CD; diém N thudc doan AD sao cho 4D =3AN. Tinh thé tich tt dién

BMNP .
AV BV CK DK
"7 ‘1T ey e
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

(Nguyén Hué- Ninh Binh 2019)Cho hinh chép S.ABCD c6 thé tich bang 48 va ABCD 1a hinh
thoi. Cac diém M, N, P, O lan luot 1a cac diém trén cac doan SA, SB, SC, SD théa min
SA=2SM , SB=3SN, SC=4SP, SD =550 . Tinh thé tich khdi da dién S.MNPQ
A2 B. 2. c.®. p. %

5 5 5 5
Cho khéi chop déu S.ABC c6 canh day béng a, canh bén béng 2a. Goi M 1a trung diém SB,
N 1a diém trén doan SC sao cho NS =2NC. Thé tich ciia khdi chop 4. BCNM bing

a*V11 @11 @11 a*V11

A. . B. . C. . D. .
18 24 36 16

Cho hinh chép S.ABC ¢6 SA=2a, SB=3a, SC=4a va ASB=BSC=60°, ASC =90°. Tinh
thé tich ¥ cuia khdi chop S.4BC.
2a3\/§

5
(THPT Cam Binh Ha Tinh 2019) Cho hinh chép déu S.4BCD,c6 day va canh bén déu bang
a2. Goi M,N lan luot 1a trung diém cua cac canh SB,SD. Mit phfmg (AMN) chia khéi chop
thanh hai phan c6 thé tich V;,V, voi ¥, <V,.Tacé V, bang

3 54° 84’

3
AL B. 2L c. % p. L.
18 9 15 9

4a3\/5

AV = B. V=242, C.y =" D.V=a2.

Cho tit dién A4BCD ¢6 AB =1, AC = 2; AD =3 va BAC=CAD=DAB=60" Tinh thé tich ¥
cua khéi ti dien 4BCD

V2 V2 V3 V2

AV =—. B.V=——. C.V=—. D.V=—.
2 6 4 12

Cho hinh chép S.ABC cb day 1a tam giac ABC vudng can & B, AC= aN2. S4 vuong goc voi
mit phing (ABC) va SA=a. Goi G la trong tim clia tam gidc SBC. Mot mit phang di qua hai
diém 4, G va song song voi BC cit SB, SC lan luot tai B’ va C'. Thé tich khéi chop S.4B'C’

bang:
3 3 3 3
2 B. = . o p. 2.
27 9 27 9

Mot vién da co dang khdi chop tir gide déu véi tat ca cac canh bang nhau va bang a . Nguoi ta cua
vién da d6 theo mit phang song song v&i mit day ciia khdi chop dé chia vién da thanh hai phan co
thé tich béng nhau. Tinh dién tich thiét dién vién d4 bi cua boi mat phéng noi trén.

2 2 2 3 2
AL B c “ p. Y&
) g 7 4

(THPT Yén Diing 2-Bic Giang) Cho tir dién ABCD c6 cac canh AB, AC, AD vudng goc véi
nhau ting d6i mot va AB =3a,AC =6a,AD =4a. Goi M,N,P lan luot 1a trung diém cua cac
canh BC,CD, BD . Tinh thé tich khéi da dién AMNP .

A. 124° B. 3a’. C. 2a’. D.a.

(HKI-Chuyén Long An-2019) Cho hinh chép S.4BCD cé ddy ABCD 1a hinh thoi va co thé
tich béng 2.Goi M, N lan luot
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Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

TAI LIEU ON THI THPTQG 2021

1a céc diém trén canh SB va SD sao cho i—];[ ::Z_]l\; =k . Tim gia tri ciia k dé thé tich khdi chop
.1
S.AMN bang 3
A.k=l. B.kzﬂ. C.k=l. D.k=£.
8 4 4 2

(THPT Poan Thuwong — Hai Dwong) Cho hinh chop tr giac S.ABCD c6 thé tich bang V. Lay
diém A’ trén canh S4 sao cho SA4'= %SA. Mit phang qua A4’ va song song véi ddy ciia hinh chop

cit cac canh SB, SC, SD lan luot tai B’, C’, D’. Tinh theo V thé tich khéi chop S.4°B’C’D"?
AL B. L. c. . p. L.
3 81 27 9

(THPT Poan Thwong — Hai Dwong) Cho t&t dién ABCD c¢6 cac canh AB,ACva AD d6i mot
vudng goc véi nhau. Goi G,,G,,G,va G, lan luot 14 trong tam cac tam giac ABC, ABD, ACDva
BCD . Biét AB=6a, AC =9a, AD =12a. Tinh theo a thé tich khéi ta di¢n G,G,G,G,.

A. 4a’. B. a. C. 1084°. D. 36a’.

(Chuyén - Vinh Phic - 2019) Cho hinh chép S.4ABC c6 day la tam giac ABC vudng can ¢ B,
AC=a\2, 541 (4BC), SA=a.Goi G la trong tm cla tam giac SBC, mit phang (a) di qua
AG va song song voi BC chia khéi chop thanh hai phan. Goi 7 1a thé tich cua khdi da dién
khong chua dinh S. Tinh V.
da’ B 2 c. 3 p. 2
9 27 54 9
(Chuyén Lam Son 2019) Cho tir dién ABCD c6 thé tich V. Goi E,F,G lan luot 13 trung diém
cia BC, BD, CD va M, N, P, O lan luot 1a trong tdim AABC, AABD, AACD, ABCD. Tinh thé
tich khéi tr dién MNPQ theo V.

14 2V 14

A.K. B. —. C. —. D. —.
9 3 9 27

(THPT QG 2017) Cho t dién ABCD co thé tich bang 12 va G 1a trong tdm cua tam gidc
BCD. Tinh thé tich V' caa khéi chop 4A.GBC

A V=3 B. V=4 C.V=6 D.V=5

A.

Cho tir dién déu ABCD c6 canh bang 4. Goi M,N lan luot 14 trung diém cta cic canh AB, BC
va E 1a diém dbi xtmg véi B qua D. Mit phang (M NE) chia khéi tir dién ABCD thanh hai
khéi da dién, trong d6 khéi chita diém A c6 thétich V . Tinh V .

3 3 3 3
A 13\/561 B. 7\/561 C. «/Ea D. 11\/551
216 216 18 216

Cho khéi chép S.4BCD c6 ddy ABCD 1a hinh binh hanh va c6 thé tich ¥ =12. Goi M,N lan luot
trung diém S4, SB; P 14 diém thudc canh SC sao cho PS =2PC . Mt phang (MNP) cit canh SD
tai Q. Tinh thé tich khbi chép S.MNPQ bang

N B. .. c. 2
18 3 3

12
35

Facebook N guyén Vuong<® https://www.facebook.com/phong.baovuongTrang 11




NGUYEN BAO VUONG - 0946798489 ‘ ,
Cau 26. (CHUYEN Hoang Vian Thu-Hoa Binh 2019)Cho hinh chop tir giac déu S.ABCD c6 tat ca cac

canh béng 1. Goi G latrong tam cua tam giac SBC . Thé tich khoi t& dién SGCD béng

NS B Y2 B3 p. Y2,
36 6 36 18
Céu 27. Cho khdi chop S.ABCD c6 thé tich bang 1, ddy ABCD 1a hinh thang v&i canh day 16n 1a AD va
AD =3BC. Goi M la trung diém canh SA, N 1a diém thudc canh CD sao cho ND =3NC . Mit
phing (BMN ) cit canh SD tai P. Thé tich khdi chép 4.MBNP bang
A3 B. 2. c. > S
8 12 16 32
Ciu 28. (THPT Ninh Binh-Bac Liéu-2019) Cho hinh hop ABCD.A'B'C'D’ ¢6 thé tich bang V . Goi M ,
N, P lan luot 1a trung diém ciia cac canh AB, A'C’, BB'. Tinh thé tich khi tir dién CMNP .
1 7 5 1

A, =T. B. —V. C.—V. D. V.
8 48 48 6

Ciu 29. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh va cé thé tich bang 48 . Trén canh SB, SD lay
cac diém M, N sao cho SM =MB, SD =3SN . Mit phing (AMN) cit SC tai P. Tinh thé tich
V ctia khoi tir dién SMNP .

1 1
AV =—. B.V=—. C.Vr=2. D.V=1.
3 2

Cau30. (S& Bic Ninh 2019) Cho t¢ dién ABCD 6  DAB=CBD=90°;
AB=a; AC = a\J5; ABC =135° . Biét géc giita hai mat phang (4BD), (BCD) bing 30°. Thé
tich cua tir dién ABCD 1a

a a a a’
Nk B'ﬁ' C.3\/§. D'Z'
Cau 31. (S¢ Ha Nam - 2019) Cho hinh chop SABCD c6 day ABCD 1a hinh binh hanh. Goi M la trung
diém SB. N la diém thudc canh SC sao cho SN=2CN, P la diém thudc canh SD sao cho
SP =3DP . Mit phang (MNP) cit SA tai Q. Biét khoi chop SMNPQ c6 thé tich bang 1. Khoi
da dién ABCD.QMNP c6 thé tich bang
9 17 14

A, —. B. —. C. 4. D. —.
7 5 5

A.

Cau 32. (THPT Thang Long-Ha N¢i- 2019) Cho hinh chop S.ABC c6 S4 L (ABC ) , tam gidc ABC déu,
AB=a, gbc gitta SB va mit phang (ABC) bang 60°. GoiM , N lan luot la trung diém cia S4,
SB . Tinh thé tich cua khéi chép S.MNC .
3 3 @ \/g 3

AL B. L. C. . pD. L
8 4 12 16

Cau 33. Cho hinh chop tr gidc S.ABCD c6 day 1a hinh vudng tdm O, S4 = a6 , SA vudng goc voi day,
mit phing (SBC)tao véi ddy goc ¢ sao cho tang = J6. Goi G1la trong tAm tam giac SCD.
Tinh thé tich khoi tir dién SOGC .
a*\J6 a*\J6 a*J6 a*\J6

A. . B. . C. . D. .
36 6 12 24
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Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

) 7 ) 7 TAI LIEU ON THI THPTQG 2021

Cho khoi hop ABCD.A'B'C'D' ¢6 thé tich V. Lay diém M thudc canh 44’ sao cho
MA=2MA'. Thé tich ciia khdi chép M.4ABC bing

v v v v
A —. B. —. C. —. D. —.

3 9 18 6
Cho hinh ling try ABC.A'B'C'c6 thé tich 1a ¥ .Goi M la trung diém BB', diém N thudc canh
CC'sao cho CN =2C'N . Tinh thé tich kh6i chop A.BCMN theo V .

v v 14 5V

D. VA.BCMN — o

AV .
18

A.BCMN — E . VA.BCMN = E . VA.BCMN -5
(Chuyén Quang Trung - 2018) Cho khéi chép S.ABC 6 ASB=BSC = CSA=60°,
SA=a, SB=2a, SC=4qa. Tinh thé tich khbi chép S.4BC theo a.

3 3 3 3
A. 8“3ﬁ. B. 2“3ﬁ. C. 4“3ﬁ. p. ¢ f

(Chuyén Lé Hdng Phong 2018) Cho khéi chop S.ABC co goc ASB = BSC =CSA=60° va
SA=2, SB=3, SC =4.Thé tich khéi chép S.4BC.

A 242, B. 2\3. C. 43. D. 3J2.

(Chuyén Bic Ninh - 2018) Cho khéi t&r dién ABCD c6 thé tich 2017. Goi M, N, P, O lan
luot 1a trong tdm cua cac tam giac ABC, ABD, ACD, BCD. Tinh theo V' thé tich cua khéi tt
dién MNPQ.
A 2017 . B. 4034. : 8068. D. 2017 '
9 81 27 27

(Chuyén Hung Vwong - Phu Tho - 2018) Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh
vuong canh a, SA=a va S4 vudng goc v6i day. Goi M 1a trung diém SB, N la diém thudc
canh SD sao cho SN =2ND . Tinh thé tich ¥ cua khdi tt dién ACMN .

1 1 1 1
AV=—ad B.V=—ad. C.V==d. D.V=—0d.

12 6 8 36
(Chuyén Quodc Hoc Hué - 2018) Cho hinh chép S.4BCD c6 day 1a hinh vuéng canh a. Canh bén
SA4 vudng goc voi mat day va S4=2a. Goi B’;D'lan luot 1a hinh chiéu vudng goc ciia A trén
cac canh SB,SD. Mit phing (4B'D") cit canh SC tai C'. Tinh thé tich cua khdi chép
S.AB'C'D’

3 3 3 3
AL B. 104 c L. p, Y2
3 45 2 4

(Kim Lién - Ha Ni - 2018) Cho ttr dién déu ABCD c6 canh bang 1. Trén cac canh 4B va CD
1an luot 14y cac diém M va N sao cho MA+MB=0 va NC =-2ND . Mit phing (P) chua
MN va song song voi AC chia khéi tir dién 4BCD thanh hai khoi da dién, trong d6 khdi da dién
chtra dinh 4 c6 thé tich 1a ¥ . Tinh V.

A.Vzﬁ. B.Vzﬂ. C.Vzﬁ. D.Vzﬁ.
18 216 216 108

(Chuyén Vinh Phiic - 2018) Cho hinh chép tir gidc S.ABCD déay 1a hinh binh hanh c6 thé tich
bang V. Liy diém B', D'lan luot la trung diém cta canh SBva SD. Mit phing qua (AB'D') cét
canh SC'tai C". Khi @6 thé tich khdi chop S.4B'C'D’ bang
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Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

A —. B. —. C. —. D
3 3 3

(Toan Hoc Tudi Tré - 2018) Cho hinh chép S.ABCD c6 day ABCD 14 hinh vudng canh a, S4

14 2V & 14
e

vudng goc voi day, SA4 = a2 . Mot mit phing di qua 4 vudng goc v6i SC cit SB, SD, SC lan
lugt tai B', D', C'. Thé tich khdi chop SAB'C'D’ la:

3 3 3 3
A.sz‘“/g. B.sza\/z. C.V:“‘E. D.V:Z“*/g.

9 3 9 3
(Chuyén Thai Binh - 2018) Cho khéi tir dién déu ABCD c6 thé tichla V. Goi M, N, P, O

1an luot 14 trung diém ctia AC, AD, BD, BC . Thé tich khbi chép AMNPQ la
Al B .. e’ p. /2.

6 3 4 3
(Phan Pinh Phing - Ha Tinh - 2018) Cho hinh da dién nhu hinh v&

M

— e~~~ -

da dién S.ABCD la

A. 642 B. 5V2. C. 3042 D. 1042

(THPT Thach Thanh 2 - Thanh Héa 2018) Cho hinh chép S.ABCD c6 day ABCD la hinh
vuong canh a, SA=a va S4 vuong goc véi day. Goi M 1a trung diém SB, N thudc canh SD
sao cho SN =2ND . Tinh thé tich V' cua khdi tir dién ACMN .

1 3 1 3 1 3 1 3

A.V=—a B.V=—a. C.V=—a. D.V=—a.
8 6 36 12

(THPT Thach Thanh 2 - Thanh Héa - 2018) Cho khéi hop chit nhit 4BCD.A'B'C'D' c6 thé
tich bang 2110. Biét A'M =MA, DN =3ND', CP =2C'P nhu hinh v&. Mit phang (MNP) chia
khdi hop di cho thanh hai khdi da dién. Thé tich khéi da dién nho hon bang
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Cau 48.

Cau 49.

Cau 50.

Cau 51.
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!

o
' N
B
A s e b
My
Q* ---------------------- C
A il B
£ 5275 g, 8440 c. 7385 D 5275
6 9 18 12

(Chuyén Thing Long - Pa Lat - 2018) Cho hinh chop S-4BCD s gay ABCD |3 hinh binh
hanh c6 thé tich béng V. Goi E 1a diém trén canh SC sap cho EC=2ES Goi (a) la mat phfmg
chira AE va song song véi BD, («) cit SB,SD lan lugt tai hai diém M,N. Tinh theo V' thé
tich cua khdi chop S.AMEN
AL B._. c. . p. .

8 6 16 9
(Chuyén Hing Vwong - Phui Tho - 2018) Cho khdi hop chit nhat ABCD.A'B'C'D’ ¢b thé tich
bang 2110. Biét A'M =MA; DN =3ND'; CP=2PC'. Mt phang (MNP) chia khoi hop da cho
thanh hai khéi da dién. Thé tich khdi da dién nhé hon bang

D' C'
4 NP B’
o [P
Ml
P N N C
A B
A 7385. B. 5275 ‘ C. 8440‘ D. 5275.
18 12 9 6

(Chuyén Bic Ninh - 2018) Cho khdi lang tru ABC.A'B'C’ ¢6 thé tich bang 2018. Goi M 1la
trung diém A4'; N, P lan luot 1a cic diém nam trén cac canh BB', CC' sao cho BN =2B'N,
CP =3C'P . Tinh thé tich khdi da dién ABC.MNP .
4 32288 B, 40360 c. 4036 p, 23207

27 27 3 18
(Quéng Xwong - Thanh Hoéa - 2018) Cho hinh ling tru ABC.A'B'C’ ¢6 thé tich bang 6a° . Cac
AM 1 BN CP 2

44 2> BB CC' 3

diém M, N, P lan luot thudc cac canh 44', BB', CC' sao cho

Tinh thé tich V' cua da dién ABC.MNP
A. V'=l—1a3. B. V'=ia3. C. V'=Ea3. D. V’=1—1a3.
27 16 3 18
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TAI LIEU ON THI THPTQG 2021
Chuyén dé 13 Ti SO THE TicH

TAI LIEU DANH CHO POI TUQNG HQC SINH TRUNG BINH MUC 5-6 PIEM
PHUONG PHAP CHUNG

1. K§ thuat chuyén dinh

ci mdi
A. Song song day
‘/('ﬁ = ‘/mz'fi / : day
' B //
B' Cét déy mdi
Va _ Giaoci 1A
\%4 Giaomoi IB

moi

2. K¥ thuat chuyén day (dwong cao khong doi)
‘/cﬁ _ de}'
Vv

moi

S

day méi

-Pé k¥ thuét chuyén day duogc thuén loi, ta nén chon hai day c6 cung cong thirc tinh di¢n
tich, khi d6 ta s& d& dang so sanh ti s6 hon.

- C4 hai k¥ thuat déu nhim muc dich chuyén da dién ban dau vé da dién khéac d@ tinh thé tich
hon.
3. Ti s6 dién tich ciia hai tam gidc
Spoun _ OM.ON

Sure  OP.OQ

4. Ti s6 thé tich ciia khoi chop

A. Cong thirc ti so thé tich ciia hinh chép tam giac
Vi we SA SB'SC

Cong thuc trén chi 4p dung cho hinh chop tam giéc,

do d6 trong nhiéu trudng hop ta can

hoat phén chia hinh chép da cho thanh nhiéu hinh

chop tam giac khac nhau rdi méi ap dung.

B. Mot s6 truwong hop dic biét

N SA _SB, _SC, _SD Vsancn, pE

—L =k thi
SA  SB SC SD

Néu (ABC,D,)|I(ABCD) v

S.ABCD

Két qua van dang trong truong hop day 1a n — giac.
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NGUYEN BAO VUONG - 0946798489
5. Ti so thé tich cia khoi ling tru
A. Lang tru tam giac

Goi V 1a thé tich khéi lang try, V( " 1a thé tich khéi chop tao thanh tir 4 trong 6 dinh cia lang try,

V(S) 1a thé tich khéi chép tao thanh tir 5 trong 6 dinh cua lang try. Khi do:
Yo = %
Vo = %V

B. Mt phing cit cic canh bén ciia ling tru tam giac
Goi V,, V, va V lan lugt la thé tich phan trén, phan dudi va lang tru. Gia sir

AM CN BP = B"
; :m; ) :n’ ' = p M 3
AA CC BB - 5 1'1
Khl dé ‘/2 :wv m T od
v, P
AN - B
N
KhiMEA',NECthiﬁzl,C—NZO P
AAY CC! &

6. Khoi hop
A. Ti s6 thé tich ciia khoi hop
Goi V 1a thé tich khdi hop, V,

do:

V( " (hai dudng chéo cua hai mit phang song song) :%

\ oV
V( 9 (truong hop con lai) = P

, Vv %
Vidu: Ve = E’VA'C'D'D = g

B. Mit phing cit cac canh ciia hinh hp (chi quan tam t6i hai canh d6i nhau)

DM A
—_— x 7 Br
1 + i
DD™ Ly Xy
_B P = 2 o’ P
BB Yy
M| gy
T 13 \“ N B
Dk o

o 12 thé tich kh6i chop tao thanh tir 4 trong 8 dinh cuia khdi hop. Khi

Ciaul. (THPT Quynh Lwu 3 Nghé¢ An 2019) Cho hinh chép S.ABC. Goi M, N, P lan luot la trung

diém cua S4, SB, SC . Ti sb thé tich Vsanc bang

S.MNP
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Cau 2.

Cau 3.

TAI LIEU ON THI THPTQG 2021

A.12. B. 2. C. 8. D. 3.
Loi giai
b
A
SN
// / \
Y ‘(Q\”/‘/’ - ‘;\*\P
// \/\f;v \\\
. 1
\\. / Vo
\\. /
-
B
V. SA SB SC
Taco 248C = — — ——=222=8,suyraddpan C.

SM SN SP

(THPT Lé Vin Thinh Béc Ninh 2019) Cho tir dién MNPQ.Goi I; J; K lan luot 1a trung

, . V .
diém cua cac canh MN ; MP; MQ . Ti sb thé tich -2 bang

MNPQ
AL B L c L D. 1
3 4 6 8
Loi giai
Chon D
M
IK
P
C Vewx  MI MJ MK 111
Ta co: = . . =— - —=—,
MN MP MQ 222 8

M.NPQ

(THPT Lé Van Thinh Bic Ninh 2019) Cho hinh chop S.ABCD . Goi A’', B, C', D' theo thir tu
1a trung diém cua SA, SB, SC, SD . Tinh ti s6 thé tich cta hai khéi chép S.A'B'C’'D’ va S.ABCD.

16 B. (o] D. .
16 4 3 >
Loi giai
Chon C
Ta co VSA& S_A’ S_B’ S_D,:l . Vsamp :i.
sap SA SB SD 8 Vaser 16
Va —VS'B'D'C = SB’ SD, SC, l = Vs e :i_ q
Vs anc SB'SD'SC 8 Vo apep 16 e

Suy ra VSABD +M:i 1_1 Vsamcn :l

+—== .
16 16 8 V. 8

S.ABCD

\%

S.ABCD S.ABCD

Cho hinh chop S.4BC . Goi M , N, P theo tht ty 1a trung diém cia SA4,SB,SC . Tinh ti s6 thé
tich cua 2 khdi chop S.MNP va S.ABC bing
1 1 1 1
A —. B. —. C. — D. —.
4 8 16 2
Loi giai
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NGUYEN BAO VUONG - 0946798489
Chon B

Vouw _ SM SN SP 1

Ta c6 ===

Ve se SA SB SC 8

Cau5. (SGD Hung Yén 2019) Cho khdi chop S.ABC c6 thé tich V. Goi B',C’ lan luot 13 trung diém
cia AB, AC . Tinh theo V' thé tich khdi chop S.AB'C’.

ALy, B. Ly c. Ly, p. Ly
3 2 12 - 4
Loi giai
Chon D
.
A C

- V,per 11
Ta co ty so thé tich —25< =—. =—.—
Vige AB AC 22

Ciu 6. (THPT Thing Long 2019) Cho hinh chép S.ABCD, goi I, J,K ,H lan luot 14 trung diém cac
canh SA4,SB,SC,SD . Tinh thé tich khbi chop S.4ABCD biét thé tich khdi chop S.IJKH bang 1.

A. 16. B. 8. C.2. D. 4.
Loi gidi
Chon B

Ta c6: M:ﬁ.S—B.£:8:>VSAEC =8V 1k -
Vo SI ST SK - ‘

Vs.aco _ﬁ SC S_D_

Venw SI SK SH
Do d6: Vs ypcp = 8V s =8

=V 400 = 8.

S.IKH

Cau7. Cho hinh chép S.4BC, trén cic tia S4,SB,SC lan luot liy cac diém 4', B', C'. Goi V,, V,

1an luot 1a thé tich khdi chop S.ABC va S.A'B'C'. Khing dinh nao sau day la dang?
A Vi, 84 SB' SC B V1:1 SB SC

v, SA'" SB'SC' vV, 2 SB'SC'
c.Vi_54 S8 p. [i_54 5B S5C
v, SA'SB' — VvV, SA4'"SB'SC'
Loi gidi
Chon D
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Cau 8.

TAI LIEU ON THI THPTQG 2021

Theo cong thirc ti s6 thé tich ta c¢6 N ﬁS_B&

Vv, SA' SB' SC'
(Gia Lai 2019) Cho khéi chop SABC c¢6 thé tich bang 5a°. Trén cac canh SB, SC lan luot lay
cac diém M va N sao cho SM =3MB, SN =4NC (tham khao hinh v&). Tinh thé tich V' cua
khéi chép AMNCB .

A.Vzgcf. B.V:%a3' C.V=a. D.V=2d".
Loi giai
Chon D

Goi V; 1a thé tich khdi chép SAMN va V, 1a thé tich khdi chép SABC.

Theo cong thirc ty 18 thé tich ta co: no_ SﬂS—N = Ei = E
v. SB'SC 45 5
¥ 1a thé tich khdi chép AMNCB tacod V+V, =V, . .

Vay V:gV0 _2 500 =24,
5 5

Néu mot hinh chép tir giac déu co chiéu cao va canh ddy cung ting 1én 2 14n thi thé tich cia no
tang 1én bao nhiéu 1an?
A. 2 lan. B. 4 lan. C. 6 lan. D. 8 lan.

Loi giai

Chon D

Goi 4, a lan luot 1a chiéu cao va canh day ctia hinh chop tir giac déu.

Thé tich ciia khdi chop tir giac déula V = %aZh .

Khi ting chiéu cao va canh dy 1én 2 lan thi ta duoc khdi chop tir gidc déu méi c6 thé tich 1a
4 =%(2a)2 (2h)= 8%a2h =8V

Vay thé tich cta khdi chop tang 1én 8 lan.
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Cau 10. Trén ba canh 04, OB, O0C cua khoéi chop 0.4BC lan luot lay cac diem A', B',C’' sao cho

204' = 04, 40B'=0B va 30C' =0C. Ti s6 thé tich giita hai khdi chop 0.4'B'C’ va 0.4BC 1a

L. B' L . C. L D. L
12 24 32 o
Loi giai
Chon B
o
// \/*B
A;/f"/";t \‘\\
// k.
4//
AR T e
Vouwe 04 08" OC" 111 1
Vowe OA OB OC 243 24

Cau 11. Cho khoi chép SAB.C, M 1atrung diém ctia SA. Ti s0 thé tich —£42< bing

S.4BC
A.l E_l C.?2. D.l
4 > :
Loi gidi
Chon B
Ta oo Ysasc - SM _ 1 _ Vipae _ 1

SA _2 I/SABC _2.

S§.4ABC

Cau 12. (THPT Hoa Lu A - 2018) Cho khdi ttr dién ABCD c6 thé tich V' va diém E trén canh 4B sao
cho AE =3EB. Tinh thé tich khéi tir dién EBCD theo V.

AL B. L. c.l. p. =
4 3 2 5
Loi gidi
A
E
B D
C
Vosp _ BE AC 4D _1 1

_BA.AC.AD_Z: B.ECD:VE.BCD:ZV

VA.BCD

Ciu 13. (Chuyén Vinh - 2018) Cho khdi chép S.ABCD c6 thé tich V. Cac diém 4', B', C' tuong ung
1a trung diém cac canh SA, SB, SC . Thé tich khdi chop S.4'B'C’ bing

AL B. .. c.”. p. .
=3 4 2 16
Loi giai
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Cau 14.

TAI LIEU ON THI THPTQG 2021
Taco Voere _SA SB SC'_1_, V.
Vese SA SB SC 8 ‘ 8

(THPT Cao B4 Quit - 2018) Cho tir dién déu ABCD c6 canh a. Trén cic canh AB, AC lan

luot léy cac diém B',C' sao cho AB'= %,AC' ZZ?a‘ Ti s6 thé tich cua khéi t& dién AB'C'D va

khéi tir dién ABCD 1a
1

A, —.
2

I
W | —
~

kll|>—t

Ta co: Viwep _AB' ACT_1

Ve AB AC 3

(Sé& Nam Pinh - 2019) Cho khdi ling try ABC.A'B'C' c6 thé tich bang V. Tinh thé tich khi da
dién BAA'C'C.

4 v 14
N . e’ p.”
4 =3 2 4
Loi giai
Chon B

B
Mit phing (BA'C’) chia khéi ling tru ABC.A'B'C’ thanh hai khéi: B.AA'C'C va B.A'B'C’
= VB.AA’C'C = VABC.A'B’C' - VB.A'B'C' .

Khdi chop B.A'B'C' va khbi lang tru c6 chung day va chung chiéu cao = ¥,

[ al =
B.A'B'C J
3
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NGUYEN BAO VUONG - 0946798489 7 ﬂ
Cau2. (Chuyén Lé Thanh Téng 2019) Cho lang tru ABC.A'B'C', M 1a trung diém CC'. Mat phang

(ABM) chia khéi ling tru thanh hai khéi da dién. Goi ¥; 1a thé tich khoi lang tru chita dinh C va

B R oy A N \ . ’ 2 A V
V, 1a thé tich khoi da dién con lai. Tinh ti s6 .

—_
(VR )

AL B.
5

|~
&)

V. 1a thé tich khoi lang tru chita dinh C tic1a V, =V,, . = %SABC.MC

2 . . . 1
V, la thé tich khoi da dién conlai=V, =V, o =V, =S 5.CC’ —ESABC.CC’ = %SABC.CC'

Khi d6 ta co ti sb
1 1

S8ucMC 84, CC

4

v, 5 .5 .5
2 gSABC.CC gSABC.CC

Cau3. Khéiling tru ABC.A'B'C’ c6 thé tich bang 6. Mit phang (A4'BC’) chia khoi lang tru thinh mot
khdi chop tam giac va mot khdi chop tir giac co thé tich 1an luot 1a
A.2va4. B.3va3. C.4va?2. D.1vas5s.
Loi giai
Chon A

+) Thé tich khoi lang tru 1a: Vs pe =d(B,(A'B'C')).S 1y =6.
+) Thé tich khéi chop tam gidc B.A'B'C’ 1a:
1

Vi iwe =—
B.A'B'C'
3

15514 ! l 1
d(B(A'B'C)).S pe ==V iscume = 36=2.

3
Vay thé tich khéi chop t gidc B.ACC'A" 13: V, ey =Vipewwe —Veype =6—-2=4.
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Cau 4.

Cau 7.

TAI LIEU ON THI THPTQG 2021
Cho khoi lang try tam giac ABC.A'B'C" c6 thé tich V. Goi M 1a trung diém cua canh CC'. Mat

phang (MAB) chia khéi lang try thanh hai phan c6 ti s6 k£ <1.Tim k?

A2 B.2. cl p. L.
5 5 5 6
Loi giai
Chon C
S
“‘ ™~ ~_C “\
i 1 \
5 | ‘.
'\ % |
| M|
| AN |
W TN
AL,: -~ ,i _____ ‘T‘\le
~ |
~ ) “ //
P
Taco V=d(C',(4ABC))-S e
. 1 1, ., 1 5
Khi d6 V,, ¢ = gd(M,(ABC)).SABC = gd(c ,(ABC))-S 150 = =V =Vimswe =2V

Vay k — VMAABC _ l

ABM .A'B'C’ 5

(THPT Thing Long 2019) Mot khdi lang try tir giac déu cé thé tich 1a 4 . Néu gp doi cc canh
day dong thoi giam chiéu cao cta khdi ling tru nay hai lan thi duoc khéi ling tru méi co thé tich
la:
A. 8. B. 4. C. 16. D. 2.

Loi giai
Chon A
Gia str khoi lang try tir gidc déu co do dai canh day 1a a va chiéu cao 1a 4 . Khi d6 thé tich khbi
lang tru tir gidc déu dugc tinh boi cong thiee V =Bh=a’h=4.
Néu gép doi cac canh day thi dién tich ddy méi B'=4a”. Giam chiéu cao hai lan nén chiéu cao

h . . h
moi h' =5 Vi vay thé tich khéi lang tru méi sé 1a: V =B'h'=4a’.—=2a’h=8.

Biét khdi hop ABCD.A'B'C'D' c6 thé tich ¥ . Néu ting mdi canh ctia hinh hop do6 1én gép hai
lan thi thé tich khbi hop moi la:
A. 8. B. 4V . C.2)V. D. 16V .
Loi giai
Chon A
Ta c6 néu ting mdi canh ctia kh6i hop 1én hai lan thi ta dugc khdi hop méi dong dang voi khéi
hop cii theo ti s6 2. Do d6 thé tich khéi hop mai bang 2°V =8V .

Cho hinh ling try dimg ABC.A'B'C' ¢c6 M 1a trung diém cta AA'. Ti s6 thé tich Viganc bing

ABC.A'B'C’

A. B. L C. —. p. L.
3 12 2

Loi giai

N =
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Cau 9.

Chon A

Ta co: B
VABC.A'B'C’ = AA,'SAABC
1 11 , 1
Vit ase = 5 AM .S 50 = 55 AA'S e = g Viscame -
Vi asc _ l

=
VABCA’B’C' 6

(HKI-NK HCM-2019) Cho lang try tam giac ABC.A'B'C’ c6 thé tich 1a V. Goi M 1a trung
diém canh A4’ . Khi d6 thé tich khéi chép M.BCC'B’ 1a

AL B. 2. ct. p. .
2 -3 3 6
Loi giai
Chon B

Vi A4'//(BB'C'C) nén d(M,(BB'C'C))=d(A,(BB'C'C)) suyraV,

M.BBC'C —

V

A.BB'C'C

2 1 2
Ma VAABB'C’C = VABCAA’B’C’ - VAA’B’c’ =V- EV = EV

R 2
Vay Vi pgee = EV .

(THPT Hoang Hoa Tham - Hung Yén 2019) Cho ling tru ABC.A'B'C’. Biét dién tich mit bén
(ABB'A’) bang 15, khoang cach tir diém C dén (ABB'A’) bang 6. Tinh thé tich khdi lang tru
ABC.AB'C'.

A. 30. B. 45. C. 60.

Loi giai

D. 90.

Chon B

Tacd Ve pppy = %d(C;( ABBA)).S s = %.6.15 =30.

3 &

Ma Ve ypgy = E'VABC.A’B’C’ =>Viscape = EVCABB’A’ =45.
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' TAI LIEU 61}1 THI THPTQG 2021
Cau 10. (Chuyén - Vinh Phic - 2019) Cho khoi lang truy ABC.A'B'C" ¢6 thé tich bang V. Tinh thé tich
khéi da dién ABCB'C' .

V V R1Z4 2V
A = B. —. c. >, D. =
4 2 4 3
Loi giai
Chon D
AL 70'
/ 5 //'::;f’
/ N /
[ BiT’/ /
/ Ve /
/ /o /
/ /L |
/ s /
|/ /
[ /. | /
{ //’,’ / /
Ve i /
A [é ”””” /Z ””””””” e
\\\\ / - . il
~ | ™
‘\&/
B
Goi chiéu cao cua lang trula , S ,. =S 5 =S .Khidd V =S.h.
1 1 2
Ta co VA'Afglcr =§Sh :EV = VABCB’CV = EV .

Cau11. Cho hinh hop ABCD.A'B'C'D' c6 I la giao diém cia AC va BD. Goi V, va V, lan lugt la thé

tich ctia cac khdéi ABCD.A'B'C'D' va I.A'B'C'. Tinh ti sb 5.

2

A Log B. o2, chd p. L3,
- £ v, 2 v,
Loi giai
Chon A
B Cc
A D
5
o
|
A
nd
Taco: V,=A4A4"S ,zcp
1 ' ' ' 1 ' ' 1 1 1 1 1 V
Vy==d(I;(A4'B'C")).Sype =5d(4:(A'B'C")).= S ppory == AA'S yprcrp ==V, =L =6
3 3 2 6 6 v,
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TAI LIEU ON THI THPTQG 2021

Chuyén d& 13 Ti SO THE TiCH VA CAC BAI TOAN LIEN QUAN

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA — GIOI MUC 7-8-9-10 PIEM

LY THUYET CHUNG

1. K§ thuit chuyén dinh
A. Song song day

‘/cﬁ = ‘/mz'fi
cii mdi
P
B. Cit day
Vi _ Giaoci 1A
Vs Giaomoi IB

2. Ky thuat chuyén day (dwong cao khong doi)

Vaz — Sda”'y
Vmo"i Sda"'y mai

-Pé k¥ thuéat chuyén day dugc thuén lgi, ta nén chon hai day cé cung cong thirc tinh dién
tich, khi d6 ta s& d& dang so sanh ti s hon.

- Ca hai k¥ thuat déu nham muc dich chuyén da dién ban dau vé da dién khac dé tinh thé tich
hon.

3. Ti s6 dién tich ciia hai tam giac
Swomy _ OM.ON
Smpg  OP.OQ

(@)

4. Ti s6 thé tich ciia khoi chop
A. Cong thirc ti s0 thé tich ciia hinh chép tam giac
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NGUYEN BAO VUONG - 0946798489
Vousr _SM SN SP

Viwe SA'SB'SC

Cong thirc trén chi ap dung cho hinh chop tam giac, do d6 trong nhiéu truong hop ta can
hoat phén chia hinh chép da cho thanh nhiéu hinh chdp tam giac khac nhau rdi méi ap dung.
B. Mt s trwomg hop dic biét

Néu (AB,C,D,)II(ABCD) va S 3B _SC, 5D, _
SA SB SC SD

thi ‘/S.A]BICIDI -

S.ABCD

Két qua van dang trong truong hop day 1a n — gidc.

5. Ti s6 thé tich ciia khéi ling tru

A. Lang tru tam giac

Goi V 1a thé tich khdi lang tru, V( 9 1a thé tich khoi chop tao thanh tur 4 trong 6 dinh cda lang try,

V(S) 1a thé tich khéi chop tao thanh tir 5 trong 6 dinh ciia lang try. Khi d6:
1%

Yo=3
2

Yo =3V

v 2v
3

sVapape = 3
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TAI LIEU ON THI THPTQG 2021

B. Mit phing cit cac canh bén ciia ling tru tam giac
Goi V;, V, va V lan lugt 14 thé tich phan trén, phan dudi va lang tru. Gia str
AM CN BP

m

Khi dé: V, :w.v

Khi M=A'",N=C thi A—M=1,C—N—O
AAT U CC

6. Khoi hop

A. Ti s6 thé tich ciia khéi hop

Goi V 1a thé tich khdi hop, V, la thé tich khdi chop tao thanh tir 4 trong 8 dinh cta khdi hop. Khi
do:

V( " (hai dudng chéo cua hai mit phang song song) =%

. NN 4
V( 9 (truong hop con lai) =€

DF

D
Vidu: V v %

A'C'BD — E’V ACDD —

B. Mit phing cit cac canh ciia hinh hp (chi quan tim t6i hai canh dbi nhau)
Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 3
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Cau 1.

Cau 2.

DM

DDAy 2y
BP _ 2
BB

(HSG 12-S¢& Nam Pinh-2019) Cho tir dién 4BCD c6 thé tich ¥ véi M, N lan luot 1a trung

. 3 . V. +7V,
diém 4B, CD. Goi V,,V, lan luot 1a thé tich cha MNBC va MNDA . Tinh ti 1& %

A. L B.l. C.l. D.g.
2 3 3
Loi giai
Chon B

Vi M, N lan luot la trung diém 4B, CD nén ta cé:
d(A4,(MCD))=d(B,(MCD));d(C,(NAB))=d(D,(NAB)

, do do:

S~~—

V v V
Viser =Vaer =3V =Vinse =Vesms =Voims = BMD —_;
2 2 4
V 14
Vo =Viwan =Vouma =Vesma = —2F=—.
2 4
Vv Vv
V4V, a4 a4 1
AT _ L
4 V 2

(THPT Thuén Thanh 3 - Bic Ninh) Cho hinh chép S.4BCD c¢6 day 1a hinh binh hanh. Goi

. , . . .V
M vaN la trung diém cac canh S4,SC, mit phang (BMN) cat canh SDtai P. Ti so —2%
SABCD

bang :
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TAI LIEU ON THI THPTQG 2021

A. VSBMPN :i. B VSBMPN :l ) C. VSBMPN :L. D. VSBMPN :l.
VSABCD 1 6 VSABCD 6 VSABCD 1 2 VSABCD 8
Loi giai
Chon B

p*

Dung SONMN ={I} SINnSD={P} OE//BP;
SP_SI _1 DE_DO_

Khi d6: 7 1a tung diém cua MN,SO nén = == =
SE SO 2 DP DP

1
2

Vay: SP=PE=ED=>C -1
SD 3

Vours _SPSM_11_1_ Vi _ 1

Vops SD SA 32 6  Vpy 12
_ESN_llzl: SNPB zi

I/SNPB_ =
Veerg SDSC 32 6 Vipp 12
+VSBPN:>MZL+i
I/SABCD

1
VSBMPN = VSBMP 2 12 g

Cau3. Cho ti dién 4BCD. Goi B',C' lan lugt 1a trung diém cia AB va CD. Khi do ty s thé tich ciia
khéi da dién AB'C’'D va khéi tir dién ABCD bang

AL B. L. c. L p. L.
2 =4 6 8
Loi giai
Chon B
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C

Ta co:.

’ ’ 1 ' =
VAB'C'D_VB'AC'D_gSADC,A.d(B,(DCA)) ,DC.DAsinADC’ (g (DC'a)) 1
Visco Vaaco ;SADCA.d(B,(DCA)) ;DC.DA.sinA/zf d(B,(DCA)) 22

|-

Ciau4. Cho hinh chop S.ABCD day 1 hinh binh hanh. Goi M,N lan luot I3 trung diém cua S4,SC.

. : . V. :
Mat phang (BMN) cat SD tai P . Tisdo —2YX bang:

5.4BCD
A. Vs puen :L' B. Vs puen :l_ C. Vs puen :L' D. Vs puen :l'
Viasco 16 ~ Vaser 6 Vsasco 12 Viasco 8
Loi gidi

Chon B

Tacdo M,N latrung diém cua S4,SC nén i’_A = SN =

Cich 1: Ap dung dinh 1y Menelaus cho ASOD ta
. PS BD IO PS PS 1 SP 1
H:— ——=l—2'l=l2—=—=>—=—.
PD BO IS PD PD 2 SD 3
Cich 2: Ké OH // BP, tacé O 1atrung diém cua BD nén H 1a trung diém cia PD.

Tacé OH //IPma I 1a trung diém cta SO nén P 1a trung diém cta SH .
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Cau 6.

TAI LIEU ON THI THPTQG 2021

Suyra SP=PH = HD = S0 = L.
SD 3

Theo cong thirc ti s6 thé tich ta c6 : Vs.oury _ 2Vs s _SM 5P 11
VS \ABCD 2VS BAD SA S 2 3

1

o
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi K, M lan luot 13 trung diém cua
céc doan thing S4, SB, (&) 1a mit phang qua K song song voi AC va AM . Mit phang («)
chia khéi chop S.ABCD thanh hai khéi da dién. Goi v la thé tich cua khdi da dién chira dinh S

,

\ R L . ca s R . 2V
va V, la thé tich khoi da dién con lai. Tinh ti s6 71

AL_T _9
v, 25 23
Chon D

Goi V 1a thé tich khéi chép S.ABCD; I, H lan luot 1a trung diém SC, SM . Do () // (ACM)
nén (@) cit (SAD), (SBD), (SCD) lan luot tai KL, HP, IJ cung song song véi OM .
Ta cé Vs nop _ BH BQ BP _ 27 271, 27

333 27
= . — == =="_SuyraV =2y _2
Vg .sac BS BA BC 422 16 Y BHOP — 4o BSAC T et 0

v AK AQ AL 111 1 11 1
axg  AK AQ AL 111 1 Vo =V ===V =—V
Vigp AS AB AD 2272 8 82 16
Tuong tu: =V, :%V.
poas (L L_Ly By Ly_2y

32 16 16 32 32
Vaytish =2

X

(THPT Hai Ba Trung - Hué - 2019) Cho hinh chép tir gidc déu S.ABCD . Mit phing (P) qua
A va vudng goc voi SC cit SB, SC, SD lan luot tai B',C', D'. Biét C’ 1a trung diém cua SC.

Goi ¥, V, 1an lugt 14 thé tich hai khdi chép S.4B'C'D’ va S.ABCD . Tinh ty s6 ;
2

1

3

ALZ2 B. D.
3

2
=—. C.
9

IR
SN
oSS
\o_l N

n
2

Loi giai
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Chon D

Taco V, =2V ;5 =2V5 4cp. Goi O=ACNBD, J=SONAC'.

Vi C’ 1a trung diém ciia SC nén J 1a trong tim ctia ASAC.

Vi BD 1(SAC)=BD 1L SC ma (P) qua 4 vavudng goc v6i SC nén (P)//BD.

Trong (SBD) qua J ké dudng thang song song v6i BD cat SB, SD lan luot tai B', D' .
. SB" _SD" _SJ 2

Taco —= = =—.
SB SD SO 3

Khi do ﬁ: VS\AB’C’ + VS‘.AC'D' :l(%_SB,‘S_C’+&.S_D’.SC,j=l.2_z‘l:l.
V, Wi Wiip 2\SA'SB'SC S4'SD SC) 27732 3

Ciu7. Cho hinh chop S.4BCD. Goi 4, B', C’, D’ theo thir tw 14 trung diém cua SA4,SB,SC,SD . Tinh
ti s6 thé tich cta hai khdi chop S.4'B'C'D’ va S.ABCD .

AL B. L. cl. p. L.
16 4 8 2
Loi giai
Chon C
Ta co: JsaBcC :S_A’.S_B’.SC'ZL; Vs apc :S_A’.SD’.SC'ZL_
Veuwe SA SB SC 8 V.,. SA SD SC 8

Ma Vs pep = Vs ape + Vs acn» SUY 12

1

~ Ve g +V.
Vsauwen _ Vsawe Vs wen _ 8< S ABe SACD) _ l
Vs.asco Vs asco Vs asco 8

Cau8. (Chuyén Hung Vwong Gia Lai 2019) Cho hinh chép S.ABCD c6 day ABCD la hinh binh
hanh, trén canh SA4 1iy diém M va dat ‘Z—Aj =x.Giatrj x démit phing (MBC) chia khdi chop

da cho thanh hai phan c6 thé tich bang nhau la:
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TAI LIEU ON THI THPTQG 2021

A.le. E.xz\/g_l. C.xzﬁ. D.xzﬁ.
2 2 3 3
Loi giai
Chon B
S
D
Ta co:
BC//(SAD
(S4D) _ sup)(BMC) = a1 1B = S SN _
BC = (BMC) sS4  SD
VSAMBC — 2VS.MBC — SM =X
VSAABC V SA
VSAMCN — 2VSAMCN — SM _S_N:xz
Ve ico 14 S4 " SD
- 2(VSAMCN +V:?.MBC) - DN 2V pen - I Vs amey _ x+x° (1)
v 14 14 2
Mit phang (MBC) chia khdi chop da cho thanh hai phan c6 thé tich bang nhau V“;NBC =% (2)

J5-1
==

Tu (1) va (2) tacod: l=x+x* < x=

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh. Goi M, N lan luot 1a trung diém cta
cac canh AB, BC. Piém I thudc doan SA. Biét mit phang (MNI) chia khoi chop S.ABCD

thanh hai phan, phan chtra dinh S c6 thé tich bang % 1an phan con lai. Tinh ti s6 & = % ?

AL B2 c. L D.>.
2 - 3 3 4

Loi giai

Chon B
Ky
E
7
P A H D
Hinh 2
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Mt phang (MNI) cét khéi chép theo thiét dién nhu hinh 1. Dgt V0, =V .

. 1 1 S 1
Taco S,py = Summ ZZSAABC =§SABCD jﬁzg'
d(1,(ABCD)) Ak
d(S.(ABCD)) SA k+1’
— Viaru = Zaapy d(l’(ABCD)) - k =V, o = k /4
Ve ser Supco a’(S,(ABCD)) 8(k+1) ' 8(k+1)

Do MN//AC = IK //AC = IK | /(ABCD)=>d (1;(ABCD))=d (K;(ABCD)).

k
=V = VKANCQ = m

Ké [H//SD (H € SD)nhu hinh 2. Ta cé :

IH AH Al k

SD AD AS k+1

IH PH PA AH PA 24AH 1 2k 3k+1

Ma SAAPM = SANCQ .

— ==t ——=——t+——=—+ .
ED PD PD PD PD 34D 3 3(k+1) 3(k+1)

L ED_m p_ 3k _ d(E(4BCD)) _ED_ 3k
SD SDED 3k+1  d(S,(ABCD)) SD 3k+1’

= =V, o=
Suer 8 Ve 24k+8 0 FTP 24k48

13 13
EIKAMNCD — 2_OV S Virpe =Viapw — VK.NQC = 2_0

27k k ko 13

©8(3k+1) 8(k+1)  8(k+1) 20
27k ko132

SAPQD _2: VEAPQD . 27k 27k

= - ==
2(3k+1) k+1 5 3
Cau 10. Cho hinh chép S.ABC c6 SA=6,SB =2,5C =4, AB =2/10,SBC =90°, ASC =120°. Mit phing
(P) di qua B va trung diém N ctia SC dong thoi vudng goc véi (SAC) cit SA tai M. Tinh ti s thé

i V.
tich k = —SBMN
S.ABC

A k=2 B. k=1, C k=1, D. k=2,
5 4 =6 9
Loi giai
Chon C
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Cau 11.

TAI LIEU ON THI THPTQG 2021

Ta co:
e SA2+SB> =6 +22 =40 = AB* = ASB =90°.

. 1
* ASBC vuong tai B 3BN=ESC=2.

= SN = NB=SB=2= ASNB déu.

Goi D 1a diém thudc canh S4 sao cho SD =2, ta ¢6:

DB* =27 +27 =8

DN?=2> 427 -222.c0s120° =12

NB* =4

= DB’ + NB* = DN* = ADNB vuéng tai B.

* Goi H, E lan lugt 1a trung diém cua DN, NB, ta co:

NB L SE
= NB L (SHE)= NB L SH .
NB L HE
SH L DN
+ = SH | (DNB)=(SDN) L(DNB)=D=M = SM =2.
SH L NB
o= Vom SM SN 22 1
Veuse 5S4 SC 64 6

(D& tham khao 2017) Cho khéi tir dién c6 thé tich bang ¥ . Goi V' 1a thé tich cua khéi da dién

!

c6 cac dinh la cac trung diém cua cac canh cia khdi tr dién da cho, tinh ti s6 —.

s B Y
V vV

A=

1
=

Loi giai

Chon A

C.—

D=2
Vo8
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Cau 12.

Ciach 1. Pic biét hoa ttr dién cho 1a tir dién déu canh « . Hinh da dién can tinh c6 duoc bang cach
“ TN e VTR TV U 3 a
cat 4 goc cua tir dién, moi goc ciing 1a mot tir dién déu co canh bang 3

Do d6 thé tich phan cat bo 1a V" = 4.% =g .

3
(Vi voi tir dién canh giam ntra thi thé tich giam (%j = l)

8
Vay V'=K<:>L=l.
2 TV 2
Ciach 2. Khbi da dién 1a hai khéi chop ttr giac (gidng nhau) cé cung day 1a hinh binh hanh p lai.
11 1
Suy ra: V' =2V vierr =4V simr =4V pspe = 452 V= 5 V

(Do chiéu cao giam mot nira, canh day giam mot nira nén dién tich giam 4)
1

V-V 4 . /s -V
Céch 3. Tacéd V7 _ AQEP ~ VBOMF ~— Y C.MNE ~ ¥ D.NPF

V
_1_VA-QEP_VB-QMF Yemve Vpypp 111 111 111 1111
v v v v 222 222 222 222 2
Cho tir dién ABCD, trén cac canh BC,BD,AClan luot lay cac diém M,N,Psao cho

BC=3BM, BD = %BN, AC =2A4P. Mat phang (MNP)chia khoi tir dién ABCD thanh hai khéi

da dién co thé tich 1a V,,V,, trong d6 khdi da dién chira canh CD c6 thé tich 1a ¥, . Tinh ti s6 N

A L_20 B L_26 ch b p.o_3

=% 19 v, 13 v, 19 . B
Loi gidi

Chon A
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Cau 13.

Ap dung dinh 1i Me-ne-la-uyt ta c6 :

TAI LIEU ON THI THPTQG 2021

MB ND GC GC

. . =1=
MC NB GD GD
. GC FD P4 FD 1
A —————=l—=—

GD FA PC FA 4
VDCPMNF = VCPMF +VCMNF +VCNFD

1

VCPMF — gd(F’(CPM))‘SCPM :ilg:i
Visen ;d(D,(ABC)).SABC 523 15
ld(F (CNM)).S
Vewwr _ 3~ w122 4
VABCD ;d(A’(CBD))‘SCBD 533 45
1
VCNDF — gd(c’(FND))‘SFND :l_gzi
V sscw ;d(C,(ABD)).SABD >3 B
L 4. 4 1 19 K _45-19 26
Viep 15 45 15 457, 19 19

Cho tir dién ABCD. Xét diém M trén canh AB, diém Ntrén canh BC, diém Ptrén canh

MB NB PC 3 , .
CD sao cho VA =3, =4, =—. Goi V,V, theo tht tu l1a thé tich cac khoi tir dién

NC PD

Vo
MNBD va NPAC . Tisb 71 bang
2

IS

| —
W | =

A. 3. B.5. C.
Loi giai

Chon B
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A

C

F =TS, vy =d(M:(BED))S, =S,

v, =%hz.S2 véi h, =d(A; (BCD)); S, =Suenp-

ﬁ: h.S, _s
Vv, .S,

3 . 13 3 S, 20
Vlhﬁz:_ va S, = SABCD’SZ_ggsABCD_E ABCD:>S_::?

Ciu 14. (SGD Pién Bién - 2019) Cho khdi chép S.ABCD c6 day 14 hinh binh hanh. Goi M, N 1a hai diém
SM 1 SN

nam trén hai canh SC, SD sao cho =— = > ND =2,biét G la trong tam tam giac SAB. Ti sb thé
tich Yo _ ﬁ, m, n 14 cac s6 nguyén duong va (m,n) =1. Gia tri cia m+n bang:
s.ascp N

A. 17 B. 19 C.21 D.7

Loi giai
Chen B

S

N
D
A

B
C
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Cau 15.

Cau 16.

TAI LIEU ON THI THPTQG 2021
1 1

+ SADMN ZESASMD :gSASCD

+ Goi E 1a trung diém ciia 4B

2 2 2
= o) = 3 U o)) =3 Haiom)) = 3 Uaseo)
1
= Voo = E'SADMN'd(G,(DMN))
11 2 1 1

= Eg SASCD'E'd(A,(SCD)) = 5 Vs.aco = g Vs asco

Yo =i: m+n=19

Vsasco 18

(Sé Bic Ninh 2019) Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M, N lan luot 1a
trung diém ciia S4,SB. Mit phiang (MNCD) chia hinh chép da cho thanh hai phan. Ti s6 thé tich

hai phan 14 (s6 bé chia s 16m)

A B> c.t D2
-5 4 3 5
Loi giai

Chon A

BLL

Goi thé tich khdi chop S.ABCD 1a V', khi d6 thé tich khdi chop S.ABC va S.ACD la
1

Vs apc =Vs.acp = EV'

Taco Lsae  SM SN SC_T 141 40645 v, e =V, e =2iV =1y
e SA SB'SC 22 4 N TS 427 8

Taco Voseo (M SCSD 1\ L goggy Ly 11, L,
Ve op SA SC'SD 2 2 e TS 22 4

Tu do Vs ywvep =Vsame +Vsaen :lV+lV=§Va do do V,pep = V_EV =§V-
8 4 8 8 8
vay Juwer 3y .5, 3
. 8 8 5

MNABCD

Cho hinh chép S.ABCD. Goi M, N, P, Q theo thu tu 13 trung diém cua SA, SB, SC, SD.

Goi V;, V, lan lugt 1a thé tich ctia hai khéi chop S.MNPQ va S.ABCD . Ti s6 % bang

2
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1 1 1 1
A, —. B. —. C. —. D. —.

16 8 2 4

Loi giai
Chon B
Ta co:
Vs SM SN SQ 1 1 Ve SN SP SQ 1 1
e T Tt Vosvo =< Vs.asps SNpO _ 2T 2T P D Vsro =5 Vs -
Vs usp SA SB SD 8 8 Veger SB SC SD 8 8
1 1 1 V. 1

Suy ra: V) = VS.MNPQ = VS.MNQ + VS.NPQ = g(VS.ABD + VBCD) zg'VS.ABCD = sz =—t=-.

2
Ciu 17. (Hong Quang - Hai Dwong - 2018) Cho hinh chdp S.ABC, M va N 1a cac diém thudc cac canh
SA va SB sao cho MA=2SM, SN =2NB, (&) la mit phing qua MN va song song voi SC.
Mit phang (a) chia khdi chép S.4BC thanh hai khoi da dién (H,) va (H,) véi (H,) la khoi da
dién chtra diém S, (H,) la khoi da dién chita diém 4. Goi ¥, va ¥, lan luot 1a thé tich cua (H, )

va (H ).Tinhtisé /

1
(2 1/2
4
.5.

1>

Ki hiéu ¥ 1a thé tich khi ta dién SABC .
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Cau 18.

TAI LIEU ON THI THPTQG 2021
Goi P, Q lan luot 14 giao diém cta () véi cac duong thing BC, AC.

Taco NP/ MQ// SC.

Khi chia khéi (H,) béi mit phang (ONC), ta dugc hai khoi chép N.SMOC va N.OPC.

Ta cb VN.SMQC _ d (N,(SAC)) ) SSMQC
VB.ASC d(B’(SAC)) SSAC

d(N,(84C)) NS _2. Swo _AM AQ :(AMT _4_ Sswoc 5

d(B,(54C)) BS 378, AS AC \AS) 9 S, 9
Do dé VNSMQc:2 5 10
Vewe 39 27
Vugre _ 4(N.(QPC)) Sore _.(Q.Q) 1.(12)_3
Vewse d(S.(4BC)) SABC s \ca cB) 3\33) 27
Visuoe Vo
Dodo o Yuswee Vugre (10,2 4 W4 g 4 K4
VBAASC VSAABC 27 27 9 Vl + VZ 9 2 5

(THPT Tran Pha - Pa Ning - 2018) Cho hinh chép S.4BCD c¢6 ddy ABCD 14 hinh thoi canh
a, BAD=60° vi SA vuéng goc véi mit phing (ABCD) . Géc giira hai mit phing (SBD) va

(ABCD) bang 45°. Goi M 1a diém ddi xtmg ciia C qua B va N la trung diém ctia SC . Mt
phang (MND) chia khdi chép S.ABCD thanh hai khéi da dién, trong d6 khoi da dién chira dinh

S c6 thé tich ¥, khbi da dién con lai 6 thé tich ¥, (tham khao hinh v& bén).
A

Loi gidi
Goi O=ACNBD.
Khi d6 géc gitra hai mit phang (SBD) va (ABCD) bang 45° < SOA = 45°.

a3 a3 2 a6
2 2 T2 '

ABAD déu = AO = = S4=A0.tan45° = S

w6 @B a2
‘. |

. .. . 1 2
Thé tich khoi chop S.4BCD bang: V' =§SA.2SAABD =3 1 3
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a2

16

Thé tich khdi chép N.MCD bang thé tich khbi chép N.ABCD bang: V' =%V =

2 3
Thé tich khéi chop KMIB bing: V" =~ L5454, _LaV6 23 _aV2
33 9 4 8 9

3 3 3 3 3 3
Khidé:I/Z:Vl_Vuza\/E_a\/Ezs\/Ea ;I/IZV_I/Z:Q\/E_S\/EQ :7(1\/5.

16 9 9 8 9 96
vay =T

v, s

Ciau19. (THPT Nguyén Thi Minh Khai - Ha Tinh - 2018) Cho hinh chép S.ABCD c6 day ABCD la
hinh chit nhat. Mt phang () diqua 4, B va trung diém M cta SC . Mit phing () chia khéi

chép d cho thanh hai phan c6 thé tich 1an lugt 1a ¥;, ¥, véi ¥, <V,. Tinh n

D.

o | W

A L3 B.
5

s
S e

-d‘i

, |4ABc(a)
co = (&) (SCD)=MN// AB//CD.
AB//CD

= (@) cét hinh chép theo thiét dién 14 hinh thang ABMN .

Khi d6 (ABMN) chia hinh chép thanh hai da dién 1a S.ABMN va ABCDNM c6 thé tich lan lugt
1a v, vav,.
Laico

v, 1 ! 1
W, Lsapy ZE = Ve ZEVSABC =ZVSABCD'

VSABC

1 1

V 1
Q:) _SAMN _ _ = VSAMN = Z VSABC = gVSABCD :

I/SA CD

Ma Vi =V + Vo = g Vasen V& Va =Vopep =Viupun = g Vsasen -
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Cau 20.

TAI LIEU ON THI THPTQG 2021
(THPT Kinh Mén - Hii Dwong - 2018) Cho tir dién déu ABCD canh a. Mt phang (P) chira

canh BC cit canh AD tai E. Biét goc giita hai mit phang (P) va (BCD) c6 s6 do 1a a thoa
X V2o o ; s
man tana :T. Goi thé tich cua hai tr dién ABCE va tir dién BCDE lan luot 1a V, va V.

Tinh ti s0

s

A.

W | W
o0 | —

Goi H , I lan lugt 14 hinh chiéu vudng géc ctia 4, E trén mit phang (BCD). Khido H ,
I e DM v6i M 1atrung diém BC.

“\f,DHzaﬁ “‘E.

Ta tinh dugc 4AH = T MH = ;
Ta c6 goc giita (P) voi (BCD) = ((P),(BCD)) — EMD =« . Khi d6 tana zﬁzg.
20
gy DEAH _ Y3 w6
Goi DE=x=> DE EI DI et AD a 3
AD AH DH a\/g
X ——
oy DEDH _* 3 x\3
AD a 3
Khi dé MI = DM — Dl—ﬁ_i
2 3
/6
Vay tanag =—= = = S x=—a.
MI T a3 x3 8
2 3
Khi dé: Vosce. =£=§:> Vasce =§_
Vigeo AD 8 Vecoe 5
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Cau 21.

Cau 22.

(Thpt T Ky - Hai Dwong - 2018) Cho khi chop tir gidc S.ABCD c6 day la hinh binh hanh.
Goi M 1a trung diém cia SC, mit phang (P) chita AM va song song BD chia khdi chop thanh
hai khéi da dién, dit 7, la thé tich khi da dién c6 chira dinh S va ¥, 1a thé tich khdi da dién c6

V.
chira day ABCD . Tiso —* la:

A.

=S
N | W

=SS
Il
(98)

bat Vs pep =V
Goi O 1a giao diém hai dudng chéo AC va BD. Goi I 1a giao diém cia SO va AM .

Do (P)//BD nén (P) céit mat phang (SBD) theo giao tuyén NP qua I va song song v6i BD;
(N eSB;PeSD).

Xét tam gidc SAC c6 I 1a giao diém hai trung tuyén nén I 1a trong tam.

Tac(') M:M :gg:i jVSAPN:iVSADB :ilV:zV
Vo, SDSB 33 9 S Tglsam Tl Ty
Tuong tu Vs.rux =SP.SM.SN:31£:2 = ZEVSDCB _Z_lV :lV
Veew SDSCSB 323 9 A 92 9

T dd V, =V o + Vs =%V. Do d6 %zz.

1

(THPT Ly Thai Té - Bic Ninh - 2018) Cho diém M nim trén canh S4, diém N nim trén

M1 ,
canh SB cua hinh chép tam gidc S.4BC sao cho M _1 , SN _ 2. Mit phang () qua MN va
MA 2 NB
song song véi SC chia khdi chop thanh 2 phan. Goi Vv, 1a thé tich cta khdi da dién chira A4, V, 1a

A L 5 A A \ . 7 2’ A V
thé tich ctia khoi da dién con lai. Tinh ti so —-?
2

B -2 .

4 3
5 vV, 4 '

D.

A.

SSS
Ul.l (o)

SSS
S
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Cau 23.

TAI LIEU ON THI THPTQG 2021

Loi gidi

- Trong mit phing (SAC) dung MP song song véi SC cit AC tai P.Trong mit phing (SBC)
dung NO song song voi SC cit BC tai Q. Goi D 1a giao diém cia MN va PQ.Dung ME
song song véi AB cat SB tai E (nhu hinh v&).

- Ta thdy: — SE _SM. 1:>SN:NE:NB:1SB
SB SA4 3 3
Suyra N 1a trung diém cua BE va DM , dong thoi DB:ME:lAB :%:l, ﬂ:l
3 A 4 D 2
Do NQ//MP:>DQ DN l
DP DM 2
- Nhén thay: ¥, =V, sup =V svo-
Vi svo DB DN DQ 111 1 1 15 15
—== —_——— = ——=—= =—V, =V, =—. ==V .
VDAAMP DA DM DP 4 2 2 16 D.BNQ 16 D.AMP 1 16 D.AMP 16 M .ADP
d(N;DB
-Do NQ//SC= o8 E—l :g:%:l d(Q;DB):l.d(C;AB)
CB SB 3 d(C;AB) CB 3 3
1 ) 11 ) 1 1 8
:>SQDB :Ed(Q,DB)DB :Egd(C,AB)EAB :aSCAB = SADP ZE'SABC

Va d(M;(ADP)) :%d(S;(ABc))

1 12 8 16
:VMADP=§.d(M;(ADP)) S o g.gd(S,(ABC)) §SABC > — Ve
15 16 5 4
:K:EE S.4BC 9VSABc:>V2 VSABC Vl §VSABC
Vay ﬁzé
v, 4

(Chuyén KHTN - 2018) Cho khéi chop tir gidc S.4BCD . Mit phang di qua trong tdm céc tam
gidc SAB, SAC, SAD chia khdi chop thanh hai phan c6 thé tich 1a ¥, va ¥, (¥, <V,). Tinh ti 1¢

L B. 10 c p. 10
27 1 =19 75
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Loi giai

Cach 1.

Goi G,,G,,G, lan lugt la trong tam cac tam gidc SAB, SAC, SAD . Ta c6 (G,G,G;) | (A4BCD).

Goi (G,G,G,) cit S4,SB,SC,SD theo thi ty lan luot tai 4',B',C",D', tacd S.A'B'C'D' dong

8
iV :>£: 47 zé.

S.ABCD _8
27 v, 1 57 19

. : 2
dang v6i S.ABCD theo ti sO k =3 suyra Vs ypon =

Cach 2.

VSABCD = VSABC + VS.ACD

V_&ﬁg(zjij 8,
Ve pe SA SB SC \3) 27 = ST g7 S
1 1 1 3
R 1 S T
Vewp SA SC SD \3) 27 27
8
8 V 8
VSAA'B'C'D' = VSAA'B'C' + VSAA'C'D' = EVSAABCD = 71 = /§7 =T
S - 47 19

Ciu24. Cho lang truy ABC.A'B'C'. Trén cic canh AA',BB' lan luot liy cic diém E,F sao cho
AA'=kA'E,BB' =kB'F. Mt phang (C'EF') chia khoi lang tru dé cho thanh hai khéi da dién bao
gdém khoi chop C".4'B'FE co thé tich V, va khdi da dién 4BCEFC' c6 thé tich V,. Biét rang

522, tim k.

v, 7

A k=4. B. £=3. C. k=1. D. k=2.
Loi gidi

Chon B
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TAI LIEU ON THI THPTQG 2021

Ta co:

AA' =kA'E
BB'=kB'F
1

SA'B'FE = ; SABB'A’

=

C'.A'BFE __

| —

b

VC’.ABB’A’

W N P

2 2
'VABC‘A’B’C' = VCCA'B'FE = Q-VABCA'B'C' = VABCEFC' = 1_§ VABCA’B’C'

VC'AABB'A' =

2

Vousre _ 3k =2©E=2(1—i)®k=3~
Viscerc (1 _2j 7 3k 3k
3k

Ciu 25. Cho khéi da dién nhu hinh v& bén. Trong d6 ABC.4'B'C"' 1a khéi lang tru tam giac déu c6 tat ca
s . \ 2 ,
céc canh déu bang 1, S.ABC 1a khoi chép tam giac déu c6 canh bén SA= 3 Mt phang (S4'B")

chia khéi da dién di cho thanh hai phan. Goi ¥ 1a thé tich phan khéi da dién chtra dinh 4, 7, 1a
thé tich phan khéi da dién khong chira dinh A4 . Ménh d¢ nao sau day diing?

A. 72V, =5V,. B. 3V, =V,. C. 24V, =5V,. D. 4V, = 5V,.
Loi gii
Chon B
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Dung thiét dién SMA'B'N tao béi mit phang (SA'B') va khéi da dién da cho nhu hinh v&.

2 2
SG=SC —GC* = /[%] —[?] :%; GD:G'D':%CD:%; GK:%G'szg

DK:GD—GK:Q—QZQ;MN:E.
6 24 8 4
7 , 11
Goi V' 1a thé tich toan by khoi da dién: V =V ;. ,pc +Vs ypcr :£.1+—.—.—3:ﬂ
- - 4 3374 18
o lppg L1 31373
B'4ABNM_3 - ABNM_3' 2 4 . 8 - 192
1 1J31.1 43
Vo =—d(B;(ACC'A")).S,,, =—~——.—.1l.—=—=.
B'”““M3<( )>AAM322448
1 111(, 33 73
V. =—8G.S 0 =——— |14+ 2|20 =22
S.ABNM 3 ABNM 3 3 2[ 4] 8 576

Vl :ﬂ+£+ﬁ:ﬂ => V2 :V—V1 =
192 48 576 72

53 53 53
18 72

8 24
Suy ra 3V, =V,.

Ciu 26. Cho khdi lang try dimg tam gidc ABC.A'B'C'. Goi M,N,P,Q lan luot 1a cac diém thudoc A4',

AA4',BB', CC', B'C' théa min A—M=l, ﬂ=l, C—N=l, C,Q=l. Goi V;, V, 1a thé tich
A4' 27 BB' 3 CC' 4" CB 5

khéi ttr dién MNPQ va ABC.A'B'C'. Tinh ty s %
2
AL 1L p. A1l ch b p. L_22
ARED =7 "4 v, 45 v, 45
Loi gidi
Chon B.
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TAI LIEU ON THI THPTQG 2021

C!

S.. 1(BN CP) 1(1 1) 7 7
Sesse 2088 T CC) 2137 4) g T Sren g Seme
C'B'BC
Suy ra, S —1— Sciop +Spng + Scavs :1_(i+i+i) _ 1T
e S s 40 15 24) 30
Mit khac AM //CC' nén d(A,(BB'C'C))=d (M ,(BB'C'C))
11 11 2
VM.NPQ :E ABB'C'C Z%E ABC.A'BC'
LI
v, 45

(Chuyén Ngir - Ha Ni - 2018) Cho hinh ling tru ABC.4'B'C'. Goi M, N, P lan luot 14 cac

Cau 27.
diém thudc cac canh 44', BB', CC' sao cho AM =2MA', NB'=2NB, PC=PC'. Goi V,, V,

lan luot 1a thé tich cta hai khoi da dién ABCMNP va A'B'C'MNP . Tinh ti sd ;

2

s

A. c oy D. L==
v, 3

-2, B. 2=
£

S
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Goi V' 14 thé tich khdi lang tru ABC.A'B'C". Tacd V, =V, ,pc + Vs sco -

! 12 : 2
Vit asc ZESABC'd (M’(ABC)) ZE'ESABcd(A ,(ABC)) =§V .

1 B sy
VMA’B’C’ ZESA'B'c'-d(M,(A B C )): SA’B’C"d(Ma(A B C )) :§V

!
3

W | =

Do BCC'B’ 1a hinh binh hanh va NB'=2NB, PC = PC' nén Sy.py = %SBCPN .

7 N
Suy ra VMB'C'PN = gVMABCPN s Tu do V = VMABC + VMBCPN + VMA'B'C’ + VMB’C’PN

2 1 7 5
<V= §V + Vot been +§V+§VM4BCPN < Vi sepy = gV .

Nhuvay V=27 +~y =Ly oy Ly Beivay: o1,
9 18 2 2 v,

2

Dang 2. Ung dung ti s6 thé tich d¢ tinh thé tich

Ciau 1. (Dé minh hoa 1an 1 2017) Cho tr dién ABCD c6 cac canh AB,AC va AD d6i mot vuéng goc
v6i nhau; AB=6a, AC=7a vaAD=4a. Goi M ,N,Ptuong tmg la trung diém cac canh
BC,CD,DB. Tinh thé tich V' ctia ta dién AMNP .

A. V=%a3 B. V =14a’ C. Vz?cf D.V=7a

Loi giai

Chon D

Taco V., = lAB.lAD.AC = l6a.7a.4a =28a’
32 6

o I I I
Ta nhén thay S,,, = B Sunep = 4 Spep = Ve = n Visep =7a°

Cau2. (THPT Thing Long 2019) Cho hinh chép S.ABCD, goi I, J,K ,H lan luot la trung diém cac
canh SA4,SB,SC,SD . Tinh thé tich khdi chop S.4BCD biét thé tich khdi chop S.LJKH bang 1.
A. 16. B.8S. C.2. D. 4.
Loi giai
Chon B
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Cau 3.

TAI LIEU ON THI THPTQG 2021

Ta co: Vs.ane :ﬁ.ﬁ.gz
Vs ik SI SJ SK

V. S4 SC SD

DAL = — — —= :>VSACD:8VS1KH

Vs kn SI SK SH ' i

Do d6: Vs ypcp =8V s = 8.

= VS.ABC =8V,

S.JK *

Cho hinh chép tir giac déu S.ABCD c¢6 day ABCD 1a hinh vudng canh 2a. Mit bén tao véi day
goc 60°. Goi K 1a hinh chiéu vudng goéc cia O trén SD. Tinh theo a thé tich khéi tir dién
DKAC

4a°\3 44’3

AV = . B.V

3
C.sza\/g. D.V=d3.

15 5 15
Loi giai

Chon A

+Goi E latrung diém ctia 4B, O 1a tdm cta hinh vuong ABCD.
=OFE 1 4B
SO | 4B

= AB 1 (SOE).
= goc gilta mdt bén (SAB) va mat day (ABCD) la SEO = SEO = 60".

A,SEO: tan 60° = g_(; = SO = OE.tan60° = a+/3 .

2
2 a\/g
+ A SOD c6 duong cao OK:>S02:SK.SD:>£—&— ( ) _3

SD* SD 3d*+24d> 5

d(K.(4BCD)) _KkD_2 d(K,(4BCD))= 250 2a\3
d(S.(ABCD)) SD 5 ’ 5 5
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5 1 1 2a\3 (2a)  4d°\3

Ciu4. (Chuyén - KHTN - Ha Ngi - 2019) Cho khdi chép S.4BCD c6 thé tich bang 32. Goi
M ,N,P,Q lan luot 12 trung diém S4, SB, SC,SD . Thé tich khdi chép S.MNPQ bing

A. 16. B. 8. C. 4. D.2.
Loi giai

Chon C

1
Taco Lsaor _SM SN SP 1 = _Lly
Viwe SA SB'SC 8 MNP TR
Vswro _SM SP SQ _1 1

Viacn S84 SC SD 8 S.MPQ ™ o 7 S.ACD

V.

1
samve T Vs mpg = (VS,ABC + VS.ACD) =—=Vs apcp =4

Do do Vg
8

0| —

MNPQ —
Vay VS.MNPQ =4.
Ciu 5. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh thoi. Goi D’ 1a trung diém SD, mit phang chua

BD' va song song voi AC lan luot cit cac canh SA4, SC tai 4’ vaC'. Biét thé tich khdi chop
S.A'BC'D' bang 1, tinh thé tich ¥ cua khéi chép S.ABCD .

AV=2 B.V =2 C.V=6. D. V=3
2 2
Loi gidi
Chon D

Goi O 1a thm hinh binh hanh day va {I} =SONBD'.

Mit phang dugc noi dén di qua 7 va song song AC nén cit (SA C ) theo giao tuyén 1a duong
thing A'C’' qua I vasong song AC (véi A'e SA,C' € SC).

sS4 SsC'" SI 2

I 13t tam t iac SBD ngp —=——=——=—.
a trong tam tam giac nén e TS T 50 3
Taco:
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TAI LIEU ON THI THPTQG 2021

VSABD_SA’.S])r:%.l:l , _lV
Ve so SA SD 32 3 S.A'BD'_g y ) , IV

Ry - P Lo+ L, ==
Vise _SC"SD" 21 1 . —lV sapen = Vs.asp T spen T3
Vs seo SC SD 32 3 SECDT g

Cau 6. Cho tardién ABCD c6 thé tich béng 1.Goi M, N, P lanluot la trong tam cda tam giac

ABC, ACD, ABD. Tinh thé tich cua t& dién AMNP .

AL B. 2. c.l. D. =
27 9 3 = 27
Loi gii
Chon D
B D
E F

Goi E, F, G lan luot 1a trung diém cta BC, CD va DB

, 1 1 1
Taco S,u = ZSABCD =V, e = ZVA.BCD =

4

Ve _ AM AN AP 222
Ve AE AF AG 333

8 8 2
=55 = Vauwr =55 Vaere =

27 27 27"

Cau7. (S& Can Tho - 2019) Cho khdi chép S.ABCD co thé tich bang 18, diy ABCD 1a hinh binh
hanh. Biém M thudc canh SD sao cho SM =2MD . Mit phang (ABM ) cét duong thing SC tai
N . Thé tich khdi chop S.ABNM bing
A. 6. B. 10. C. 12. D. 8.
Loi giai
Chon B
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Mit phang (MAB) va mit phang (SCD) ¢6 chung diém M va lan lugt chira hai duong thang
song song AB va CD nén MN// AB//CD.

Vi ABCD la hinh binh hanh nén V ., =V ,p0 = %VS'ABCD =9,

Ta co:
v d(M;(ABD)) MD 1

o MAD - ( - ): === Virasp =3= Vs sy =06.
Veusn d(S;(4BD)) SD 3

. I/S.BMV:VB.SMV:SM‘SN:%‘EZEZV =4,
Vewe Vespe SDSC 33 9 50

=V amwe =Vs apu +Vs oy =6+4=10.

@ Chii y: C6 thé ap dung cong thuc ti s6 thé tich va tinh nhu sau:

Ta co:
VSABM SM 2 2
. . = "7 =—7V =6.
—I/S.ABD SD 3 S.ABM 3 S.ABD
1% SM SN 22 4 4
. I/SABMN ZS_D'EZE'EzngS'BW =§'VS.BDC =4,
S.BDC

=V amwe =Vsany +Vspay =6+4=10.

Cau8. Cho khéi lang try ABC.A'B'C'. Piém M thudc canh A'B’ sao cho A'B'=3A4'M . Pudng thing
BM cit duong thing AA' tai F, va duong thing CF cit duong thing A'C’ tai G, Tinh ti s6
thé tich khdi chép FA'MG va thé tich khéi da dién 16i GMB'C'CB

AL B . c.> D. L.
11 27 22 - 28
Loi giai
Chon D
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r
A B
b
v
A
s,
LY
*
A
.
Y
A
LY
L
A
.
A
.
hY

GM AM 1 1
CrBr = ArBr :E A'MG =§SABC .

Goi % 1a chiéu cao cua ling try ABC.A'B'C’, V 1a thé tich cua khéi lang tru 4BC.A'B'C’.
Ta co

Taco GM // C'B'=

V= SABC'h .
h
Vime.asc = E(SABC +S 0 + \ SscSan )
h 1 1 13 13
= E(SABC +§SABC + SABC'§SABC j = ESABC'h = EV

14

=>Vowwees =V —Vin.asc = EV .

Mait khac ta cling c6
FG GM 1 FA’_FG_FM_l:VFA,GM_FA'F_GFM_1

FC CB 3 FA FC FB 3 V., FA FC FB 27
1 1 1 1
=>Viweu = E Viacs = 2_7(VA’MG.ABC +Vewou ) = Verou = 2_6 Vimc.asc = 5_4 V.
Vﬁ.y VFA’GM — i )
wmg.asc 28

(Sé' GD Nam Pinh 2019) Cho t&r dién ABCD c6 thé tich bang V', hai diém M va P lan luot 1a
trung diém cia AB,CD; diém N thudc doan AD sao cho AD=3AN. Tinh thé tich t& dién

BMNP .

V V V v
A.Z. EE C.8. D.6
Loi giai
Chon B
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Ta co:
MB:%,AN=ATD:>d(N,AB)=%d(D,AB):>SANMB =éSADAB
CD 1

DP==—>= d(P,(MNB)) =Ed(C,(ABD))

1 11 1 1
= Vpass =5 d(P.(MNB)) Sy =52 d(C.(4BD))Suuwy =5V

Ciu 10. (Nguyén Hué- Ninh Binh 2019)Cho hinh chép S.ABCD c6 thé tich bang 48 va ABCD la hinh
thoi. Cac diém M, N, P, O lan luot 13 cac diém trén cac doan SA, SB, SC, SD théa min
SA=2SM , SB=3SN, SC =4SP, SD =550 . Tinh thé tich khdi da dién S.MNPQ

A B. 2. c.t .2
5 5 5 5
Loi giai

Chon D

Taco ABCD lahinh thoinén S, ., =S, -
1

Suyra Vs ,cp =V i5e ZEVS.ABCD 24.
V.

% | S.MPQ :&gg zlll :>VSMPQ —E.
Vsaco  S4 SC SD 245 | >

% Vsamr :SﬂS_NS_P :lll = Vomr =1
Vsape S4 SB SC 23 4
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Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021

8

Vay VS‘MNPQ = VSAMPQ + Vs uwp = g :

Cho khéi chop déu S-4BC ¢ canh day bang @, canh bén bang 24. Goi M 1 trung diém SB
N 1a diém trén doan SC sao cho NS =2NC  Th¢ tich cta khdi chop A.BCNM bang

3 3 3 3
A.am. B.a\/ﬁ. C.a\/ﬁ. D.a\/ﬁ.
18 24 36 16
Loi giai

Chon A.

® ] ®

S
M
] -]
B r- A
I

- C m ~
Goi O la trong tim ctia tam gide ABC. Khi d6 BO = %B] - % “*f - “f .
Khdi chop S.ABC déu va O 1a trong tim tam giac ABC 1én SOJ_(ABC ) = SO 1L OB

2
— ASOB vuéng tai O = SO =+/SB> - 0B = [|4d’ —% - “\?.
1 a33 1 a3 11
= VSABC ZESO‘SABC :g. 3 .Ea. 2 = B .
Tacod M:%-S_N:l-%:lj Vs amn :lVS,ABC :
Vi e SB SC 23 3 3

NIl

12 18

2
VSAABC _EVSAABC = EVSAABC =

V

ABCNM — VS.ABC - VSAAMN =

2
>

Cho hinh chop S-4BC o SA=2a_SB=3a_SC=4a vz ASB=BSC =60° ASC=90° Tinh
thé tich ¥ cua khéi chop S-4BC.

3
A.szagﬁ. B. V=242 C.v=

3
4a3\/§_ D. V:a3x/§.

Loi giai

a
=
S
=]
I=

C
Trén S4, SB, SC lan luot 14y cac diém A’, B', C’ sao cho S4' =SB’ =SC' = a, suy ra:
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!/ / !/
I;j:;:/ = %% i(é = %%% = i = Vsac = 24VSAA’B’C’ .
(ViSA=2a=284", SB=3a=3SB’', SC=4a=4S8C").
Theo gia thiét ASB = BSC = 60° va SA’ = SB' = a suy ra hai tam giac S4'B’, SB'C’ déuva

A'B'=B'C'=a.
ASC =90° va SA' = SC' = a nén tam giac A'SC' vudng can tai S, do d6 4'C’ —a\2.
Goi H 1a trung diém 4'C’ thi SH = “22 va SH 1. 4'C' (1).

Tam giac A'B’C’ can tai B’ nén trung tuyén, ciing la dudng cao B'H =

a2
=

2 2
Xét tam giac SHB' c6 SH* + HB'* :2%—1— 2Z =a’ suyra SH L HB' (2).

Tir (1), (2) suyra SH L(A4'B'C'), nén SH 1a chiéu cao khdi chép S.4'B'C’.
Thé tich khdi chép S.4'B'C’ 1a:

1 1 a2 1 a2 a2 B2
Ve vov=—SH.S . =—. —A'C' B'H =242, — .
SABC 3 MEC 37 2 ") 12 2 12
3
Suy ra Vg e = 24V, e = 24. “l‘f =24°2 .

Cau 13. (THPT Cam Binh Ha Tinh 2019) Cho hinh chép déu S.4BCD,cé day va canh bén déu bing
a2. Goi M,N lan luot 1a trung diém cua céc canh SB,SD. Mit phéng (AMN) chia khdi chop
thanh hai phan c6 thé tich V;,V, véi V, <V,.Taco V, bang

3 3 3 3
AL B. 2. c. 3 p. L.
18 9 15 9
Loi giai
Chon B

Goi O = ACNBD,I =SONMN,P = AINSC.Khi d6 I 1a trung diém cta SO.
Goi O la trung diém ciia CP = IP//0Q = P 1a trung diém ctua SQ = SP = PQ = QC.
VS.AMP Sﬂ N _ 11 _l:> VSAAMPN _ 1 1 5

Taco 2= o A2 —=V ==V, JV, ==V, viV <V,
VS,ABC SB SC 23 6 VS'ABCD 6 1 6 5.4BCD> " 2 6 S.ABCD( 1 2)

Mit khic SO =+/S4? — A0* =24 —d* =a.
5 5
—d

Do do V, :2.141.2412 =
63 9
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Cau 14.

Cau 15.

TAI LIEU ON THI THPTQG 2021
Cho ti dién ABCD ¢6 AB =1 AC =2: AD =3 va BAC =CAD = DAB=60" Tinh thé tich V
ctia khéi tir dien ABCD

A.Vzﬁ. B.Vzﬁ. C.Vzﬁ. D.Vzﬁ.
- 2 6 4 12
Loi giai
Chon A
A
F
B
D
C

Do AB< AC < ADnén chon E€ AC,AE =1,F € AD, AF =1
Ta c6 BAC = CAD = DAB = 60° (gia thiét)

>

Suy ra tr dién ABEF la tir dién déu canh bang 1. Taco V,,, = bR

Mat khac ta c6 V sscp = AB.AC.AD _ 123 _
ABEF AB.AE.AF 1.1.1

l\)|s| ~

Tawdd V,pep = nén chon dap 4n A

Cho hinh chép S.ABC c6 day la tam giac ABC vudng can 6 B, AC = a2. 84 vudng goc voi
mit phing (ABC) va SA=a. Goi G la trong tAm clia tam gidc SBC. Mot mit phang di qua hai
diém 4, G va song song voi BC cat SB, SC lan luot tai B’ va C'. Thé tich khéi chop S.4B'C’

bang:

A 2 B. & e p. 2%

- 27 9 27 9
Loi giai

Chon A

Goi M, N lan luot I3 trung diém cta doan thang BC, SB.Khi d6, G=SM NCN .
bat BA=BC =x>0. Theo dinh ly Pitago trong tam giac ABC vuong tai B, ta co:

2
AC*? =BA2+BC2:>(a\/§) =xX+x=>x=d*=>x=a.
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1 2
Dién tich tam gide ABC 1z S5 =~ BABC = %

. . 1
The tich khoi chép S.ABC la: Vs - =§.S oA =

7
a =—.
6

|8,

A w|—

Mit phang qua 4, G song song véi BC cit SB, SC lan luot tai B', C' nén B'C'// BC . Khi d6

[ SB_SC'_SG 2

taco — z.
SB SC SM 3
o A SB’' ' 22 4
Ta lai co: VS‘A+BC=S—.S .gzl.—.—z—.
susc SA SB SC 33 9
4 4 a 24
Suy 1a, ¥V pc =§'VS.ABC zaz 27-

Ciu 16. Mot vién da c6 dang khdi chop tir gidc déu vai tat ca cac canh bang nhau va bang a . Ngudi ta cua
vién da d6 theo mit phang song song voi mit day ctia khdi chop dé chia vién da thanh hai phan co
thé tich béng nhau. Tinh dién tich thiét dién vién d4 bi cua boi mat phéng noi trén.

2 2 2 3 2
AL B. L. c L D. V2a .
2 J3 Y4 4

Loi gidi
Chon C

Goi khéi chop tir gidc déu 1a S.4BCD c6 tit ca cac canh bang a.

Vi mit phang cat hinh khdi chop song song véi ddy nén thiét dién tao boi mit cat va khoéi chop 1a
mot hinh vuéng 4'B'C'D'.
Y. § . S4" SB' SC' SD' A'B’
Gidst —=k,taco—=—= = =
SA S4 SB SC SD 4B

= k ( dinh li Talet ).

ik 1 1
Theo gia thiét Vy ,pcpy = EVSABCD 2 ype = 5‘2‘VS.ABC

Vs.apc _ l

1
g VSAA'B'C' = E'VSAABC & 5

VS .ABC
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S4" SB" SC l@(kf 1 1 :A'B': 1

<~ . .
S4 SB SC 2

2 2
"o a _ a _ a
:>AB—%:>SAVBVCVDV—(%j —%.

Cau 17. (THPT Yén Diing 2-Bic Giang) Cho ti dién ABCD c6 cac canh AB, AC, AD vudng goc véi
nhau tirng d6i mot va AB =3a, AC =6a,AD =4a. Goi M,N,P lan luot 1a trung diém cua céac
canh BC,CD,BD . Tinh thé tich khéi da dién AMNP .
A. 124° B. 3a’. C.2a. D.a.
Loi giai
Chon B

B

CM CN

Ta Cé: VD‘APN — VC.AMN _ —
VC

D.ABC

\ 1 1(1 1(1
Ma VAMNP = VABCD — VDAPN - VBAPM - VCAMN = ZVABCD = Z[gABACADj = Z(g3a6a4aj = 3(13 .

DP DN _ 1 Vi _ BP BM 1
v CB CD 4-

1 1
DB'DC 4:V,,, BD BC 4;

.ABD

Ciu 18. (HKI-Chuyén Long An-2019) Cho hinh chép S.ABCD c6 ddy ABCD la hinh thoi va c6 thé
tich béng 2.Goi M, N lan luot

: SM SN L .

la cac diém trén canh SB va SD sao cho — = D =k . Tim gia tri cua k dé thé tich khoi chop
1
S.AMN bang e
k=L B k=Y2 cr=t b k=Y2.
8 - 4 4 2
Loi giai

Chon B
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1
Vidady ABCD lahinh thoinén S, ,,, =S.sp = Vs usp ZEVS.ABCD =1.

Mit khac Vsawy 54 SM SN

Ve o SA SBSD

B B

1 2
S K =—=k="2(dok>0). Vay k==
uy ra g 1 (do ). Vay p

1

2 s
SV =k, CO Vs ==

Ciu 19. (THPT Poan Thwong — Hai Dwong) Cho hinh chép tir gidc S.ABCD c6 thé tich bang V. Liy
diém A' trén canh S4 sao cho SA'= %SA . Mit phing qua A’ va song song vdi day cua hinh chop

cat cac canh SB, SC, SD lan luot tai B’, C’, D’. Tinh theo V thé tich khéi chop S.4’B’C’D”?

Az B. . c .. p.~.
3 81 = 27 9
Loi giai
Chon C

Ta co:

Vs.ase *Vsaco =Vsanen s

Vi we SASB SC \3) 27

V“,D.C,:ﬂSD'SC':(IT_ 1 1

Vi we SASD SC \3

= 27 s Vsapen =Vsape TVsaen = Vs apcp -

27

Ciu 20. (THPT Poan Thugng — Hii Dwong) Cho tir dién ABCD c6 cac canh AB, ACva AD d6i mot
vuong goc véi nhau. Goi G,,G,,G,va G, lan luogt 1a trong tam cac tam giac ABC, ABD, ACD va
BCD . Biét AB=6a, AC =9a, AD =12a. Tinh theo a thé tich khéi ta dién G,G,G,G,.
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Cau 21.

TAI LIEU ON THI THPTQG 2021
4q° B. a. C. 1084°. D. 364’.

>

Loi gidi

Chon A

AGG,G, ddng dang v6i AACD theo ti sb %Vé nam trong hai mét phang song song.

I
Sr00 = éSMBD _6a’. G,G,//AB va GG, = %AB =20 V6, =3 G:GuSucae, =44

(Chuyén - Vinh Phic - 2019) Cho hinh chép S.ABC cé day la tam giac ABC vudng can ¢ B,
AC=a\2, 541 (4BC), SA=a.Goi G la trong tdm cua tam gidc SBC, mat phing (a) diqua
AG va song song voi BC chia khéi chop thanh hai phan. Goi ¥ 1a thé tich cua khdi da dién
khong chira dinh S'. Tinh V.

3 3 3 3
A3 B. 2 c. 2. D. 2%,
9 27 Y 9
Loi giai
Chon C

Trong mit phing (SBC ) ké duong thing qua G song song véi BC, cat SB, SC lan luot tai B',
C'. Khi ¢6 mit phang (@) tring véi mit phing (A4B'C').

Goi M, N lan luot 1a trung diém cua doan théng BC, SB.
bat BA=BC =x>0. Theo dinh ly Pitago trong tam giac ABC vudng tai B, ta co:

2
AC2:BA2+BC2:>(ax/§) =x+x’=>x=d"=x=a.
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Cau 22.

1 2
Dién tich tam gide ABC 1: S 5 =BA.BC =“7

. . 1
Thé tich khoi chép S.4ABC 1a: Vg - =§.SABC.SA =

SB'_SC' SG 2

Ta lai co: = = ==,
SB SC SM 3
Suy ra: M:S_AS_BSC =lzz:i
Vs anc S4 SB SC 33 9
: 4 4 4 24°
Vi thé, V ’ ,=—.V = —=—
SABC T gl SABC T g 7
A a 24a 54°
Vay V =V 50 — Voo = F_E = 5—4 .

(Chuyén Lam Son 2019) Cho tir dién ABCD c6 thé tich ¥ . Goi E,F,G lan lugt la trung diém
cua BC, BD, CD va M, N, P, O lan luot 1a trong tim AABC, AABD, AACD, ABCD . Tinh thé
tich khéi t dién MNPQ theo V .

4 14 )4 14

A —. B. —. C. —. D. —.
9 3 9 - 27

Loi gidi
Chon D
Ta 6 AMNP ~AEFG va YN _2
EF 3

AEFG ~ADCB va FE -1

DC 2
Do d6 AMNP ~ADCB v jg_]gzé 0 ?M_wzéj S =S

ABCD

Mit khac d(Q,(MNP)) =%d(A,(BCD))

1

—V.
27

Suyra V,p, =
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Céu 23. (THPT QG 2017) Cho tr dién ABCD c6 thé tich bang 12 va G 1a trong tdm cia tam giac
BCD. Tinh thé tich V' caa khéi chop A.GBC
A. V=3 B. V=4 C.V=6 D. V=5
Loi giai
Chon B

C

Cach 1:
Phan tich: tr dién ABCD va khbi choép AGBC c6 cung duong cao la khoang cach tr A dén mat
phing (BCD). Do G la trong tam tam giac BCD nén ta c¢o

Susce =Susap =Sacap = Sascp =3Sasc (xem phan chimg minh).

Ap dung cong thirc thé tich hinh chop ta cé:

1 1
Vigep ==hSsen —hS
V ABCD S
3 :>VABCD :3 T :3:VA.GBC:§VABCD:§'12:4‘
Viine = g 1S, pe 4GBC .S, o AGBC

Chung minh: Pat DN =h;BC =a.

+) MF//ND:MZC_MZLQMF:lDN:MF:ﬁ,
DN CD 2 2 2
+) GE//MF:G—EzﬁzszEZEMF:%.ﬁ:ﬁ
MF BM 3 3 32 3
1 1
+) SABCD - 1 =3= Supep = 3Sscc
aGsC  —GE.BC ——a
2 23

+) Chimg minh twong tw ¢6 Sysep =3Syaap =3S6cp =>Susac =Sasap =Sacap
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Cdch 2:
Ta 6 % :% =% = d(G;(4BC)) =%d(D;(ABC)) ,

Ciu 24. Cho tir dién déu ABCD c6 canh bang 4. Goi M, N lan luot 13 trung diém cua cac canh AB, BC
va E la diém d6i xtmg véi B qua D. Mit phang (M NE) chia khéi tr dién ABCD thanh hai
khéi da dién, trong d6 khéi chira diém A c6 thé tich V . Tinh V .
13+/24° 7\24a° 24 11V24°
A 3[ a B f a f a D \/7 a

. C. .
216 216 18 - 216

Loi giai

Chon D

Tinh thé tich T c6 khdi tir dién ABCD. Goi F 1a trung diém BC va H trong tim tam
giac BCD.
2
Ta c6 szﬁ va BH=2BF =-= suy ra BH =/ AB* — BH? :a\F.
2 3 J3 3
2 3
Thé tich ttr dién ABCD 1a T =~ AHS,_, :Lzﬁ 3 _a'\2
3 3 V3 4 12

Goi dién tich mot mat cua tir dién 1aS. Goi P 1a giao diém cua NE va CD, tuong tu cho Q .

Ta thdy P,Q lan luot la trong tdm cac tam gidc BEC va BEA nén pp = %DC,QD = %AD

Str dung cong thirc ti s thé tich ta co:
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Cau 25.

Cau 26.

TAI LIEU ON THI THPTQG 2021

% . % 1.
B.ACD E.BAC
C T 3
Nén VEAAMNC = VE.ABC - VBAEMN =2T _E = ET .
1 . 1 . 1 8
Tuong tu: —E2P2 — = nén v =—T.Nén vV _T_i1=2°T
. Viebca 9 Epre g ACPQ 9 9
3 8 11 112°2
Suyra V=V, s = Viacro :ET_gTZET = 16

Cho khdi chép S.ABCD c6 ddy ABCD 1a hinh binh hanh va c6 thé tich ¥ =12. Goi M,N lan lugt
trung diém S4, SB; P 1a diém thudc canh SC sao cho PS =2PC . Mit phiang (MNP) cit canh SD
tai 0. Tinh thé tich khdi chop S.MNPQ bing

A2 B. .. c 2. 12
18 - 3 3 25
Loi giai
Chon B
B
Tacé PQ//CD=2 5P 2
SD  SC 3
iy , V.
Khi d6 ta co: Jsmve _SM SN SP_ 112 1 _, Vaump 1y
Veupc SA SB S 223 6

Vourg 122 2 1
Voo 233 9 SweTy"
SACD

7 1
Vay V. =— V=",
ay V's.MNPQ 36 3

(CHUYEN Hoang Vin Thu-Héa Binh 2019)Cho hinh chép tir giac déu S.ABCD c6 tat ca cac
canh bang 1. Goi G 14 trong tim cia tam gidc SBC . Thé tich khdi tir dién SGCD bang

A Y2 B Y2 e p. Y2

= 36 6 36 18
Loi giai

Chon A
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Goi O=ACNBD = SO L (ABCD), I la trung diém canh BC.
oC = % = SO =+SC*-0C’ = % =V pep = %SO.S ﬁ_

ABCD — 6
1 V2

Vs per ZZVSAABCD :ﬂ-

Vepee  SD SC SG 2 22 2

Vipe SD'SCTSI 3 oo T3l ea T30 "5
S.DCI

Ciu 27. Cho khéi chép S.ABCD c6 thé tich bang 1, ddy ABCD 1a hinh thang v6i canh day 16n 1a AD va
AD =3BC . Goi M la trung diém canh SA, N 1a diém thudc canh CD sao cho ND =3NC . Mit

phang (BMN ) cat canh SD tai P . Thé tich khdi chép 4.MBNP bang

A.z B.i. C.i. D.i.
8 12 16 32
Loi giai
Chon A

bat V=7,

S.ABCD —

1.
Goi I 1a giao diém cia BN véi AD, suyra P 1a giao diém cua MI véi SD.
BC|| DI va ND =3NC = DI =3BC = D la trung diém cua Al .

SP 2
Do d6 P latrong tam cuia tam giac SAI = D = 3

1 11 1 9
SBCN :ZSBCD ZZ'ZSABCD :ESABCD; SADN = SNID = 9SBCN = ESABCD'

3 3 9
Saan =Sapco ~Spey —Sapy = gSABCD' Suyra V gy = gV; Vean =72

4
16
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Cau 28.

Cau 29.

TAI LIEU ON THI THPTQG 2021

1 1 3
Vs sy = 5 Vv = Vipw = E Vs sy = E v,
1 1 12 3
I/SAMNP = 5 I/SAANP = VAAMNP = 5 I/SAANP = Eg VS,AND = E
, 3 3
Do d0 V,ymve =Vimw +Vismw = gV = g

(THPT Ninh Binh-Bac Liéu-2019) Cho hinh hop 4BCD.4'B'C'D’ c¢6 thé tich bang V . Goi M ,
N, P lan luot 1a trung diém ciia cac canh AB, A'C’, BB'. Tinh thé tich khdi tir dién CMNP .

ALY B. v c v, p. Ly
8 48 — 48 6
Loi giai
Chon C

Goi G=CM NBD, I =PNNBD, O=ACNBD . D& thay BP la duong trung binh ciia AINO

2 2
va G latrong tim AABC nén BG=§BO=§BI.

Vww NP 1 1
VN.CM[ NI 2 CMNP 2 N.CMI

Pit S=5,,., va h 1 chidu cao cta khdi hop ABCD.A'B'C'D’ . Ta c6
1

S —d(B,MC).MC BG 2 5 - 5
ABMC  _ 1 :—:—:)SA[MC:—SABMC:__S:_S
Same Sd(1.MC).MC IG 5 2 247 38
s ! 15 5
Ma V) e :§SAIMC'd(N,(ABCD))Zg,gs.h ZQV'
R 1 5
Vay VCMNP ZEVN‘CMI =4—8V.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh va c6 thé tich bang 48 . Trén canh SB, SD lay
cac diém M, N sao cho SM = MB, SD=3SN . Mt phfmg (AMN ) cat SC tai P. Tinh thé tich
V ciia khdi ti dién SMNP .

1
AV =—. B.V-1. C.V=2. D.V=1.
3 2
Loi gidi
Chon D
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SB SD S4 SC S SC
TacOo —+—=—+—2+43=1+—=>—=4
SM SN S4 SP S. SP

Viuw _ 1 Vounp _1 SP SM SN

1 1 1
5 = 4_8 = Vs uwp = EV&ABCD

=1.

P
111

Ve sen 2Vssepr 2SC SB SD 242
Cau30. (S6& BiAc Ninh 2019) Cho t¢r dién ABCD ¢6  DAB=CBD=90°;
AB =a; AC = aJ5; ABC =135° . Biét géc gita hai mat phang (4BD), (BCD) bing 30°. Thé

tich cua tr dién ABCD 1la

3

3

a a a
A. . B. —. C. . D. —.

243 V2 W2 6

Loi giai
Chon D
V& AH L(BCD), H <(BCD).
V& HK //BC, K e BD,c6 BD 1 BC = HK L BD,ma AH 1 BD.
= BD | (AHK) = BD L AK .
Nén ((4BD),(BCD))= AKH =30°
Vé HM //BD, M € BD ,c6 BC L. BD = HM 1 BC,ma AH 1 BC.
= BC L AM , c6 gbc ABC =135°.
Suy ra ABM = 45° (nén B ¢ gitta M va C).
AAMB vudng tai M c6 ABM =45°.
Suy ra AAMB vudng cantai B = AM = MB =
N
Ti giac BKHM 12 hinh chit nhat, nén BM = HK .
AAHK vudng tai H c6 AKH =30°, nén AH =15 4 —oam =24
NN N
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Cau 31.

TAI LIEU ON THI THPTQG 2021
1 1

= + .
AK? AB* AD?

31 L _ o up=aJ2 va BD=NAB + AD* =a 3.

- =
2¢° a* AD? AD*  24°

ABAD vuong tai A ¢c6 AK la dudong cao nén

2 2
Cod BC=CM —BM , CM?* = CA> — AM> =5a2—%:9;
3a a
—=BC="2_9% _4\2
V2 2
1 1 1 a a’
COV==AH.S,  =—AHBDBC =———.aL3.a2 ==
3 BCD 6 6\/6 6

3

a
Vay V =—.
Yy 6

(Sé Ha Nam - 2019) Cho hinh chop SABCD c6 ddéy ABCD 1a hinh binh hanh. Goi M 1a trung
diém SB. N la diém thudc canh SC sao cho SN=2CN, P la diém thudc canh SD sao cho
SP=3DP . Mit phang (MNP) cit SA tai Q. Biét khoi chop SMNPQ c6 thé tich bang 1. Khoi
da dién ABCD.OMNP c6 thé tich bang

53 B C. 4. . 4
7 3 :
Loi giai
Chon B
S
D ,
Taco ﬁ_'-& - S_B"'S_D (Tham khdo bai tap 73 trang 64 SBT Hinh 11 nang cao).
SO SN SM SP
Do do6 ta co g:i
S4 11
VSMNQ SM SN SQ 2 |
Taco) —@ -~ = “=_~ 1,
Vigew SB SC S84 11 SMNQ ™1 " SABCD

3 , 5 22
Tuong ty: VSQPN = ZVSABCD' Do do6 VSMNQ + VSQPN = ZVSABCD = Vaper = ?
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Cau 32.

Cau 33.

17

Vay VABCDAQMNP = ?

(THPT Thing Long-Ha Ngi- 2019) Cho hinh chép S.4BC ¢6 SA L (ABC), tam gidc ABC déu,
AB =a, gbc gitta SB va mit phang (ABC) bang 60°. GoiM , N lan luot 14 trung diém cia SA4,
SB . Tinh thé tich cta khéi chép S.MNC .

3 3 3 3
AL B. L. . 43 p. L.
8 4 12 16
Loi gidi
S
M
4 C
B
Chon D

Taco: S4 L (A4BC)
= AB 14 hinh chiéu cta SB 1én mit phing (4BC)
= (SB,(4BC))=(SB, AB) = SBA = 60°.

SA = AB.tan SBA = a.tan 60° = a~/3 .

VSAABC = . 37 4
Vome _SM SN SC_11_1
Vs isc SA4 SB S 22 4
1 lad o
—4 ==V ——=—
SMNC = B = T T e

Cho hinh chop tr gidc S.ABCD c6 day 1a hinh vudng tam O, S4 = a6 , SA vuodng goc voi day,
mit phang (SBC)tao véi day goc @ sao cho tang=+/6. Goi Gla trong tam tam giac SCD.
Tinh thé tich khoi t&r dién SOGC .

3 3 3 3
A.a\/g. B.a\/E. C.‘“/g. D.a‘/g.
= 36 6 12 24

Loi giai
Chon A
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BC 1 AB
Ta co: = BC 1 SB.

BC 1 54
(SBC) N(ABCD)=BC
Nhu vay BC 1 AB = |(SBC);(4BCD))=( 4B;SB) = SBA= 9.
BC 1 SB
Trong tam giac SABvuodng tai 4, tanp = sS4 o6 = a6 < AB=a.
AB AB
Goi I 1a trung diém CD, trong tam G cua tam giac SCD , G thuoc S7 .
, 1 1 1 1 aa &
Co VS.OCI = ESA'SAOIC = ESAEIO]C = EGEE = g
3 3
Khi do: MZEZE:VSOGC zgVSOIC :ga \/g =2 \/g
V ST 3 3 3 24 36

Soic

Cau 34. Cho khdi hop ABCD.A'B'C'D' c¢6 thé tich V. Lay diém M thudc canh 44’ sao cho
MA=2MA'. Thé tich ciia khbi chop M.ABC bing

v v v v
A=, B. —. C. —. D. —.
3 =9 18 6
Loi giai
Chon B

Thé tich hinh hop 12 V= B.h
1
Goi dién tich tam giac 4BCla B', ta co: B,ZEB )

Goi A'H 1a dudng cao ha tir 4’ xudng mit phing day: A'H L(ABCD) tai H,dat h=AH . Dung

MK J_(ABCD) tai K,tacd MK //A'H va co ti sd MK _MA_2 (gt)=n'= %h.
AH A4 3 3
a2, . , Lo, 1,112 1 V
Goi V 1a thé tich hinh chép M .ABC ,tacod: V'==.B'.h'=—.—B.—h=—B.h=—.
3 32 3 9 9
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Cau 35. Cho hinh lang tru ABC.A'B'C'c6 thé tich 1a V .Goi M la trung diém BB', diém N thudc canh
CC'sao cho CN =2C'N . Tinh thé tich khdi chép A.BCMN theo V .

14 14 |14 5V
A. VAABCMN = E B. VAABCMN = E . VAABCMN = ; D. VA.BCMN = E
Loi giai
Chen B
Cach 1:
B’ A’
N Cﬁ
M, — N
p AL 0D Py
C
. 1 , 1
Taco: Vyp,e :E'd(B ,(ABC)).S\i5c :EV.
N s e K R L V, BM 1 1 11 V
Theo cong thire ty so thé tlc}l:ﬁzﬁzg =V e :E.VBAB,AC ZEEV =5
Ta co: BB':2BM:%NC = BM:%NC.
1
—.BM .d(C,BB'
- S e _2 ( ) _E.

S anmc ;_NC.d(M, cc) 4

N Sscwm :1+izz N Vi sewm :Z.
S asmc 3.3 Vi smc 3
R 7 TV TV
Vay: V,genn = E'VABMC = Eg = E .
Cach 2:
B’ A’
M
B A

C

Goi h,k lan luot 1a d6 dai duong cao cua hinh ling try ABC.A'B'C'va hinh chép ABCMN , S 1a
dién tich tam giac ABC.
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= d0 dai duong cao cta hinh chép M.ABC lézg

1 h hS
Vise =—-—S =— (1
MABC = 3 6 (1)
< LA 1 h hS
Mat khac: V), pc = 55 S = 3 kSppey = KSppen = )

Taco Syne = %SABCM (vi 2 tam gidc MNC va BCM c6 cing chiéu cao va CN = %BM ).

N

1 4 4 hS 2hS
VAMNC - g‘k‘SAMNC - g‘k‘E‘SABCM - E‘k‘SABCM - 57 - T (2)

, , , hS 2hS  ThS IV
Tu (1) va (2) ta co: VAABCMN = VMABC —+ VAMNC = ?+T = F = ﬁ
Cau36.  (Chuyén Quang Trung - 2018) Cho khéi chop S.ABC c6 ASB=BSC = CSA=60°,
SA=a, SB=2a, SC =4a. Tinh thé tich khdi chép S.4BC theo a.

3 3 3 3
A.Sa‘ﬁ. 5.2‘“6. C.4a‘5. D.a‘ﬁ.
3 3 3 3
Loi gisi
S
A
M
B
C
SM_1
Ly M e SB, N e SC thod man: SM = SN = SA=a = 5]’3 12
SC 4
Theo gia thiét: ASB = BSC = CSA=60° = S.AMN 1 khdi t& dién déu canh «.
a*\2
Do doé: V. =—.
S.AMN 12
V. M ’
Mit khac ; —S4MY =‘;—B.§—N %% =% =V e =V p = 2"3ﬁ .

S.ABC

Cau37. (Chuyén Lé Hdng Phong 2018) Cho khéi chop S.ABC c6 goc ASB=BSC =CSA=60° va
SA=2, SB=3, SC =4.Thé tich khéi chép S.4BC.
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Cau 38.

A 242, B. 243. C. 43, D. 3V2.

B

Goi B' trén SB sao cho SB’ =§SB va C' trén SC sao cho SC’=%SC.

Khi d6 S4=SB' =SC'=2 = S.4AB'C’' 1a khéi ti dién déu.

Ta c6: AM=&=\/§ :>AO=2AM=£
2 3 3
Nén SO =+/S4> — 40? =¥ Va S e =3
Khi d6 V, 0 = %SAB,C, SO = ¥ :
Ma ta lai c6: L5.48¢. =ﬁ.S—B,.S—C, =3V e =WV e =242
Vi pe SA SB''SC ‘ ‘
Cach khac:

Vi ige = %\/1 — cos” ASB —cos’ BSC — cos’ CSB + 2c0s ASB.cos.BSC.cosCSB = 2:/2

(Chuyén Bic Ninh - 2018) Cho khéi tir dién ABCD c6 thé tich 2017. Goi M, N, P, O lan
luot 1a trong tam cua cac tam giac ABC, ABD, ACD, BCD. Tinh theo V thé tich cua khoi ti

dién MNPQ.
4 2017 g, 4034 p, 2017
9 81 27
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VAEFG SEFG 1 1
4G = =— =2V, 0. ==V
VABCD SBCD 4 AEFG 4 ABCD
(Do E,F ,G lan luot 1a trung diém cua BC, BD, CD ).
Ve SM SN SP 8 8 8 1 2
A — —=—= =—V o =—Viger =—V
VAEFG SE SE SG 27 AMNP 27 AEFG 27 4 ABCD 27 ABCD
- 2 ~ VQMNP 1 1
Do mit phang (MNP)//(BCD) nén ———=—< Vo ==V p
AMNP 2 2
1 2 1 2017
VQMNP = .

o7 D 22_7VABCD :2—7

Cau 39. (Chuyén Hung Vwong - Phua Tho - 2018) Cho hinh chép S.ABCD c6 day ABCD 1a hinh
vudng canh a, SA=a va SA vudng goc v6i day. Goi M 1a trung diém SB, N la diém thudc
canh SD sao cho SN =2ND . Tinh thé tich ¥ cua khdi tt dién ACMN .

1 1
A.Vzicf B.V=1a3. C.V==a. D.V=—a.
12 6 36
Loi giai
. , 1 a’
Cich 1.Taco ¥y ycp =5 S48 yep =
1 11 1 a’
Vipac ZENH‘SADAC _g-ga (Eazj 18
1 la(l , a’
Vipe ==MK.S, o =—=| =d* |=L
MABC AABC 32( aj D
3
a
~d(A4,(SMN)).S s m
1 12 1 a a’
Suy ra VNSAM ZENL'SASAM =§§a[5a5jzﬁ
3
Miit khic Vg, == d (C,(SMN)).Sys = ~d (A,(SMN)).Sssiny f—g
. ad @ o ad O 1
Vay Ve =Vs.aseo = Visae —Viaoe = Viuse —Vsow = ?‘E‘g_ﬁ_ﬁ = Ea3 .
S

Cich 2. Goi O 1a giao diém cia AC va BD.

3
Taco Vs ypep = %SA.SABCD = a? . Vi OM //SD nén SD//(AMC).
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Cau 40.

Do d6 d (N3(AMC))=d (D;(AMC))=d (B;(AMC))

1 a’
= Vieww =Vvasae =Vossae =Vssue =Visac = ZVS-ABCD - 12

1 1
(do d(‘M;(ABC)):Ed(S;(ABC))Vgl Saunc :ESABCD )

(Chuyén Quéoc Hoc Hué - 2018) Cho hinh chép S.4BCD c6 day 1a hinh vudng canh a. Canh bén
SA vudng goc voi mit day va S4 =2a . Goi B';D'lan luot 13 hinh chiéu vudng goc cia A4 trén
cac canh SB,SD. Mit phing (AB’D’) cit canh SC tai C'. Tinh thé tich cua khdi chop
S.AB'C'D’

3 164’ a’ V2a’

AL B. . c. L. D.
3 = 45 2 4

Vs SB SC'
Taco Ve oy =2V . (1) ma —4EC = —— —— (*
S.AB'C'D S.AB'C ( ) VSABC SB SC ( )

ASAC vudng tai A nén SC* =S4’ + AC* = (2a)2 +(a\/§)2 =64” suyra SC =a/6
Tacd BC L(SAB)= BC L AB' va SB L AB' suyra AB' 1 (SBC) nén AB' L BC
Tuong ty AD' L SC. Tird6 suy ra SC L (AB'D')=(AB'C'D') nén SC L AC'

’ 2 2
Ma SC'.SC = S4* suy ra 5 _ SA2 = 4a2 ~2 Ta cling c6
SC SC 6a 3
S_B'_SA2 B SA® B 4q° _i
SB  SB* SA*+AB* 4a*+a’ 5
. Veiper 8 8 8 1 8 .
Tu (*) = VSABC =—suyra Vg :EVSABC :E'EVSABCD ZEVSABCD ma
SABC
1 24°
VSABCD = _SABCD SA = T
8 24° 8d’
Suyra Vo =—.—=——
VI Tswe =303 T s
164°

Tu (1) suy ra Vs ypep = 2Vs ype = T
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Cau 42.
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(Kim Lién - Ha N§i - 2018) Cho tir dién d€u ABCD c¢6 canh bang 1. Trén cac canh 4B va CD

1an luot 14y cac diém M va N sao cho MA+MB=0 va NC=-2ND . Mit phing (P) chua
MN va song song v6i AC chia khéi tir dién ABCD thanh hai khéi da dién, trong d6 khi da dién
chtra dinh 4 co thétich1a ¥ . Tinh V.

A.V:Q. B.Vzﬂ. C.Vzﬂ. D.Vzﬁ.
18 - 216 216 108

T N ké NP//AC, N € AD
M ké MQ//AC, Q e BC. Mt phang (P) 1a MPNQ

1 V2

Ta co VABCD ZEAH‘SABCD ZE

V= VACMPNQ =V upc + VMQNC +Vienc

, AM AP 12

Taco V,ypc :EE ABCD :E'EVABCD ZEVABCD

1 1CQO CN 112 1
VMQNC :EVAQNC :EE‘E'VABCD :EE‘EVABCD = EVABCD

2 21 2 1 AM 211
Viene :5 MPCD zgg MACD zggﬁ ABCD ZE‘EEVABCD =§VABCD

. 111 11 11V2

Vay Vz(g"‘g"‘;ijw = VZQVABCD :m-

(Chuyén Vinh Phiic - 2018) Cho hinh chép tir gide S.ABCD déy 1a hinh binh hanh c6 thé tich
bang V. Liy diém B’, D'lan luot 14 trung diém cta canh SBva SD. Mit phang qua (4B'D") cit
canh SCtai C". Khi d6 thé tich khdi chop S.4B'C'D’ bang

AL
3
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Goi O la giao diém cua hai duong chéo AC va BD thi SONB'D'=H .Khid6 H latrung di€ém

cua SO va C'=AH N SO.
Trong mit phing (SAC): Ta ké (d)//AC va AC' cat (d) tai K . Khi d6 ap dung tinh dong dang

. ., , OH 04 SK 1 SK SC" 1 SC" 1
cilacactamgiactacd: —=—=1=25K =04 —=—; —=——=— —=—.
SH SK AC 2 4C cCC' 2 sC 3

. 1 | Ve gy SA SB" SD" 1 \
Vi Vs 180 =Vsen :E'VSAABCD :3 nen ta co ﬁ :S_AS_BS_D :Z < Vs app :nga

Viperw SB' SC' SD' 1 SC' sc' v
—_— = . . = — QVSAB'C'D':_'_'
Voo SB SC SD 4 SC SC 8

1, SC V_K(l SC') 4

Suyra Vs e =V apn Vs penr :g +§'§_ ] + SC =

o

Ciu 43. (Toan Hoc Tudi Tré - 2018) Cho hinh chop S.4ABCD c6 ddy ABCD 14 hinh vudng canh a, SA4
vudng goc voi day, SA4 = a2 . Mot mit phing di qua 4 vudng goc v6i SC cit SB, SD, SC lan
lugt tai B', D', C'. Thé tich khdi chop SAB'C'D’ la:

2a3\/§ 2a3\/§ a’ \/E 2a3x/§

A V= . B. V= . C.V= . D. V= .

9 3 = 9 3
Loi giai

Taco: Vs pen :%.az.a 2 =¥.

Tacd AD' L(SDC) = AD' L SD; AB' 1 (SBC)=> AB' L SB.

Do SC L(A4B'D')= SC L AC'.

Tam giac SAC vudng cantai 4 nén C’ 1a trung diém ctua SC.
SB' SA* 24a° 2

Trong tam gidc vudng SAB' ta co = = ==,
8 8 8 SB  SB*> 34> 3

VSAB’C’D’ _ VSAB’C’+VSAC’D’ _l(S_B,S_C,+S_D,S—C,j _S_HS_C"_E l _l
Vs iseo Vs 1nco 2\8B SC SD SC) SB SC 32 3
. a2

Vay Ve = 9

Ciu 44. (Chuyén Thai Binh - 2018) Cho khéi tir dién déu ABCD c6 thétich1a V. Goi M, N, P, O

lan luot 1a trung diém cua AC, AD, BD, BC . Thé tich khéi chép AMNPO 1a
AL B. L. cr. p. 2
6 3 = 4 3
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Ta c6 ¥ ynrp = 2V yoip (do MNPQ 13 hinh thoi), 4B // MO =V v = Voo

Mit khic do P la trung diém cia BD nén d(P,(ABC)):%d(D,(ABC)), dong thoi

1 1 1 1

Sou = Susc = Vru =§d(P,(ABC)).SBQM :gd(D,(ABC)).ZSABC
11 4 14

:ggd(D’(ABC))SABC :g = VAMNPQ :Z .

(Phan Dinh Phung - Ha Tinh - 2018) Cho hinh da dién nhu hinh v&

S

Biét S4=6, SB=3, SC=4, SD=2 va ASB=BSC =CSD = DSA=BSD = 60°. Thé tich khéi
da dién S.ABCD la
A. 62 B. 5v/2. C. 3042 D. 1042
Loi gii

Trén S4, SB, SC lan luot lay cac diém 4', B', C' sao cho S4'=SB'=SC'=SD=2. Ta ¢
A'B'=B'C'=C'D=DA"=2. Khi d6 hinh chép S.4'B'D va hinh chép S.CB'D la cac hinh chop
tam giac déu co tit ca cac canh bang 2.

12 3
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V. S4 SB SD .3 9 9 9 242
Mit khic —$480 = 22 9F 52 3 2 2 nén Vg p == Vs amn =—.i=3\6.
Vi yp SA SB'SD "2 2 AT TS 2" 3
B SD 22
M=S—C,.S—,.S—=2.3=3, nén Vy cpp =3V cown =3.£=2ﬁ.
Viewo SC' SB'SD 2 ' ' 3

Thé tich khoi da dién S.ABCD la
V= VSABD + VSCBD = 3\/5 + 2\/5 = 5\/5 .

S

Cau 46. (THPT Thach Thanh 2 - Thanh Héa 2018) Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh
vuong canh a, SA=a va S4 vuong goc véi day. Goi M 1a trung diém SB, N thudc canh SD
sao cho SN =2ND . Tinh thé tich ¥ cua khoi to dién ACMN .

AV =Lgd, B. V=14, C.V=tds Q.V:La3.
8 6 36 12
Loi giai
Cach 1: Phan ra hinh:
3
Thé tich khéi chép S.ABCD 1a: V = %-cf =L
S S

\
\

\
[ P —

,
(9!
] \
.
e ----
‘\
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. 21 1 1
Thé tich t& dién SMNC 1a: V. =—-=V. =——-— V==V
4 SMNC 3 2 S.BDC 3 2 2 6
2. L ia \ 11 1
Thé tich t dién NACD la: V- =§-5V=EV
X g ia . 11 1
Thé tich tt dién MABC la: V, po ===V ==V
22 4
X ia X 21 211 1
Thé tich tir dién SAMN la: VMMN:EEVS'BDCZEEE :g

~

Mat khac ta co: Ve +Viuen +Viuse + Vs Ve =Vs asen

1 1 1 1 1 a
Suyra Vye = V_(VSMNC +Vouco +Viusc +VSAMN) = V_(EV+EV+ZV+EV] :ZV ZE.

Ciu 47. (THPT Thach Thanh 2 - Thanh Héa - 2018) Cho khéi hop chit nhat 4BCD.A'B'C'D' c6 thé
tich bang 2110. Biét A'M = MA, DN =3ND', CP =2C'P nhu hinh v&. Mit phang (MNP) chia
khdi hop da cho thanh hai khdi da dién. Thé tich khéi da dién nho hon bang

D' Dol
' N
A *3 ::::::‘P
My E
e C
A ”‘ B
A. 5275. B. 8440‘ C. 7385 D. 5275

Goi O la giao diém ciia mat phang (MNP) véi BB'.
Gia st AM:x,CPZ DN:Z,BQ
A DD’ BB’

VA’B’DCMQN _X+z+t N VA’B'D'.MQN _X+z+t

=t.Khidd x+y=z+t.

b

VA'B'D'AABD 3 VA'B'C’D’AABCD 6
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Ciu 48.

Ciu 49.

Vesppoy _ y+z+t - Vewproy _ y+z+t
6

VC'B'D'ACBD 3 VA'B'C'DCABCD

- VMNPQA’D’C'B' _ %(x n y)

VABCD‘A'D'C’B’

Vieo.avcs l( A'M N C'Pj 3 l(l +lj 5

VABCD<A’D’C’B’ 2 AA' CC' 2 2 3 12
5 5275

= VMNPQ«A’D'C'B' = E ABCD.A'D'C'B — T .

(Chuyén Thing Long - Pa Lat - 2018) Cho hinh chép S-ABCD g day ABCD 13 hinh binh
hanh ¢6 thé tich bang ¥ . Goi E 1a diém trén canh SC sao cho £C =2ES  Goj (a) 1a mit phing

chita AE va song song v6i BD, (@) cit SB,SD lan lugt tai hai diém M,N. Tinh theo V" thé
tich cua khdi chop S-AMEN

A.K. B.K. C.3—V. D.K.
8 -6 16 9
Loi giai
Goi G la giao diém ciia AE va SO.
Ap dung dinh 1y Menelaus cho tam gidc SOC ta cé: A—C@E—S =1= Go =1
AO GS E GS
SG 1 SM SN 1
> — e — ==
SO 2 SB SD 2
Ta co: Vs amen — Vs ane + Vs aen :l_l.l‘l.kl']_l‘l:l
Vv W e WVeyer 2 23 2 23 6

. 1
Vay Vs ey = gV .

(Chuyén Hung Vwong - Phi Tho - 2018) Cho khdi hop chit nhiat ABCD.A'B'C'D' ¢6 thé tich
bang 2110. Biét A'M =MA; DN =3ND'; CP=2PC’. Mit phang (MNP) chia khéi hop da cho
thanh hai khéi da dién. Thé tich khdi da dién nho hon bang
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D' C'
4 N,:’ ____________ B’
// ! —::::::x P
M-
DT A C
A B
A 7385. B. 5275 . C. 8440_ D. 5275.
18 12 9 6
Loi giai
D’ C'
A i
N® === ___ B’
P I R P
M .\_,\
i 0
LD T A C
A B
Ta co: Viwwro.azcr = l(A'M + C,Pj - l(l+lj _S
ABCD.A'B'C'D' 2 A,A C’C 2 2 3 12
5 5 5275

Vo = VMNPQAA'B’C'D' = E ABCD.AB'C'D' — E 2110 = T .

Ciu 50. (Chuyén Bic Ninh - 2018) Cho khéi ling tru ABC.A'B'C’ c6 thé tich bang 2018. Goi M la
trung diém AA4'; N, P lan luot 1a cic diém nam trén cac canh BB', CC' sao cho BN =2B'N,
CP =3C'P . Tinh thé tich khéi da dién ABC.MNP .

A 32288 p, 23207
27 18
Ta Cé VABC‘MNP B l( AA{ + B]v! + CP’J - 2 ’ Véy VABC MNP = 23207 °
seswe  3LAA BB CC') 36 ‘ 18

Ciu 51. (Quang Xwong - Thanh Héa - 2018) Cho hinh ling tru ABC.A'B'C’ c¢6 thé tich bang 64° . Cac

diém M, N, P lan luot thudc cac canh AA', BB', CC' sao cho AM =l, BN = cp :2_
A4 2 BB CC' 3

Tinh thé tich V' cua da dién ABC.MNP
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A. V':1—1a3. B. V’=2a3. C.V'=
27 16 3

Lay diém Q € 44’ sao cho PQ//AC..

Ta co MQ:AQ—AM:éAA'.

X 1

De thay Ve e = E'VABCAA’B'C’ > VM,QNP = E‘VABCAA’B'C' .
R , 11 11

Vay Vo=V e amp — VM,QNP = ﬁV = ?as .
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Chuyén dé 14 THE TicH KHOI A DIEN DIEN KHAC

Caul.

Cau 2.

Cau 3.

Cau 7.

TAI LIEU DANH CHO POI TUQNG HQC SINH GIOI MUC 9-10 PIEM
(Pé Tham Khio 2020 Lan 2) Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bang 8 va dién tich
day bang 9. Goi M,N,Pva Q lan luot 1a tim cia cac mat bén ABB'A', BCC'B', CDD'C' va
DAA'D' . Thé tich cua khéi da dién 18i c¢6 cac dinh 1a cac diém 4, B,C,D,M,N,P va Q bing
A. 27. B. 30. C.18. D. 36.
(M4 101 - 2020 Lan 1) Cho hinh chép déu S.ABCD c6 canh ddy bang a, canh bén bang 2a va
O la tam cua day. Goi M ,N, P, Q lan lugt la cac diem doi xting véi O qua trong tdm cua cac
tam giac SAB, SBC, SCD, SDA va S' 1a diém ddi xing v6i S qua O. Thé tich ctia khdi chop
S'.MNPQ bang

3 3 3 3
A. —20\211_4" . B. —40\211_4" . C. —lo‘g" . D. 2‘/19_4a .

(M3 102 - 2020 Lin 1) Cho hinh chép ddu S.4BCD c6 canh day bing a, canh bén bing a+/3
va O 1a tdm cua day. Goi M, N,P,Q lan luot 1 cac diém ddi xing v6i O qua trong tAm cia cac
tam gidc SAB,SBC,SCD,SDA va S’ la diém ddi xtmg véi Squa O. Thé tich cua khdi chop
S'.MNPQ bing

A 404/104° B 104/104° c 204/104° b 2104°
o8l 81 o811 9

(M4 103 - 2020 Lan 1) Cho hinh chép déu S.4BCD c6 canh day bang a, canh bén bang V2a va
O la tam cua dy. Goi M, N, P,Q lan luot 1a cic diém ddi ximg v6i O qua trong tAm clia cac tam
gidc SAB,SBC,SCD,SDA va S’ la diém d6i xting v6i S qua O. Thé tich khdi chép S".MNPQ
bang.

2\/6a° 40:/64° 10764’ 20:/64°

A. . B. . C. . D. .
9 81 81 81

(M3 104 - 2020 Lan 1) Cho hinh chop déu S.ABCD c6 tat ca cic canh bang a va O 1a tim cua
day. Goi M,N,P,Q lan luot 1a cac diém ddi xing voi O qua trong tdm cla cac tam giac
SAB,SBC,SCD,SDA va S’ 1a diém d6i ximg v6i S qua O. Thé tich khdi chép S'MNPQ biang

224° 20324’ 4024’ 10v24°
> )

A. B. C. D.

81 81 81
(M3 102 - 2020 Lan 2) Cho hinh chép déu S.ABCD c6 canh déy bang 4a, canh bén bang
2\/§a va O latam cua day. Goi M, N, P, Q 1an luot 13 hinh chiéu vuong goc cua O 1én cac
mit phang (S4B), (SBC), (SCD)va (SDA). Thé tich ctia khdi chop O.MNPQ bing
3 3 3 3
A B. &% c. 128 p. 2.
3 81 81 3

3a

(M4 103 - 2020 Lan 2) Cho hinh chép déu S.ABCD c6 canh day bang a, canh bén bang —

va O latam cua day. Goi M,N,P va Q lan luot 13 hinh chiéu vuong goc cua O trén cac mat
phang (S4B), (SBC), (SCD) va (SDA). Thé tich ctia khdi chép O.MNPQ bing
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

3 3 3 3
AL L2 c. L p. L.
48 81 81 96

3a\/§

Cho hinh chép déu S.ABCD c6 canh day bang 3a, canh bén bang va O la tdm cua day.
Goi M, N, P va O lan luot 14 hinh chiéu vudéng goc ctia O trén cic mit phiang (S4B), (SBC),
(SCD) va (SAD). Thé tich khbi chép O.MNPQ bang
3 3 3 3
24 B. 2% c. 2 D. L.
16 3 32 3

(M3 104 - 2020 LAn 2) Cho hinh chép ddu S.ABCD ¢6 canh dy bing 2a, canh bén bing a~/3
va O 1a tAm cua day. Goi M, N, P va Q lan luot 13 hinh chiéu vudng goc ciia O 1én cac mat
phing (SAB), (SBC), (SCD) va (SDA). Thé tich khéi chop O.MNPQ béng:

E } a’ 164’

L4 B. L. L i
81 6 12 81

(Pé Tham Khao 2018) Cho hinh vudng 4BCD va ABEF c6 canh bang 1, 1an lugt nam trén hai
mit phang vuéng goc voi nhau. Goi S 1a diém ddi ximg cia B qua duong thang DE . Thé tich
ctia khdi da dién ABCDSEF bang

AL B c. 2 D.
6 12 3

(Mai dé 104 - BGD - 2019) Cho lang tru ABC.A'B'C’c6 chiéu cao bang 4 va day 1a tam giac déu

canh bang 4. Goi M,N va P lan luot 1 tim ciia cac midt bén ABB'A', ACC'A' va BCC'B'. Thé

tich ctia khdi da dién 16i c6 cac dinh 1a cac diém 4, B,C,M,N,P béng

A. 83 B. 6V/3. c.%. D.#.

(M4 103 - BGD - 2019) Cho ling tru ABC.A'B'C’cé chiéu cao bang 6 va day 1a tam giac déu

canh bang 4. Goi M, N, P lan luot 1a tim cac mit bén ABB'A’, ACC'A’, BCC'B' . Thé tich khéi

da dién 16i c6 cac dinh 1a cac diém 4,B,C,M,N, P bang

A. 93, B. 1043 C. 73, D. 124/3.

(Mai 102 - BGD - 2019) Cho lang try ABC.A'B'C' c6 chiéu cao bang 8 va day la tam gic déu
canh bang 4. Goi M,N va P lan luot la tim cac mat bén ABB'A',ACC'A' va BCC'B'. Thé
tich cta khdi da dién 18i ¢6 cac dinh 1a cac diém 4,B,C,M, N, P bang

A. @. B. 16\3. C. ¥ D. 124/3.

(Mai dé 101 - BGD - 2019) Cho lang tru ABC.A'B'C" c6 chiéu cao bang 8 va day la tam giac
déu canh bﬁng 6. Goi M, N va P lan luot l1a tdm cua cac mat bén ABB'A', ACC'A' va
BCC'B'. Thé tich cua khdi da dién 10i ¢6 cac dinh 13 cac diém 4,B,C,M,N,P bang

A. 3043 B. 36./3. C.27\3. D. 21/3.

[N R

(Chuyén Ha Long -2019) thé tich ciia bat dién déu canh bing a+/3 1a.
4
a. 6a’ . B. J6a* . C. gas. D. a’.

Loi giai
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

TAI LIEU ON THI THPTQG 2021

Ta c6 khéi bat dién déu canh ax/§ duoc tao tir 2 khdi chop ta giac déu c6 canh day va canh bén

bing a3

m}z _as

\ y 2
Chiéu cao cua khoi chop la: 7 = \/(a«/g) —( 5 5

L) oo a6

Thé tich cta khdi chép: V. (dvtt).

clmp
Vay thé tich khoi bat dién la: V =2V, = a3£ (dvtt).

Cho mét hinh 1ap phuong c¢6 canh bang a. Tinh theo a thé tich cua khdi bat dién déu c6 cac dinh
la tm cac mdt cta hinh lap phuong.
1 1, 1 1

A. —a’. B. —a . C.—a’. D. —a’.
4 6 12 8

(THPT Yén Khanh - Ninh Binh 2019) Cho hinh hdp chit nhat 4BCDA'B'C'D’. Khoang céach

2a\5 245 ‘ e
5

, gitta BC va AB' la — gitta AC va BD' la T Thé tich cta

gitta AB va B'C la
khdi hop do 1a

A. 8a’. B. 4a’ . C.2a. D.a.

(THPT Ng6 Gia Tw Vinh Phuc 2019) Cho hinh hop chit nhdt ABCD.A'B'C'D' c6
AB=a,BC =2a,AC"'=3a.Piém N thudc canh BB' sao cho BN =2NB', diém M thudc canh
DD' sao cho D'M =2MD . Mit phing (A'MN ) chia hinh hop chir nhét lam hai phan, tinh thé
tich phan chtra diém C'.

A. 4a’. B. a’. C. 2a°. D. 3a’.

(Sé& Thanh Héa 2019) Cho hinh chép déu S.4BC co day canh bang a, goc giitta duong thang S4
va mit phing (ABC) bang 60°. Goi 4', B', C' tuong (g la céc diém déi xtimg ctia 4, B, C
qua S. Thé tich ¥ cta khdi bat dién c6 cac mit ABC, A'B'C', ABC, B'CA, C'AB, AB'C',
BA'C', CA'B' 1a

2\/§a3
3

\/§a3 4\/§a3

D. V=

AV = B. V =2V34". C.V= - ;

(Chuyén KHTN - 2020) Cho hinh 13p phwong ABCD.A'B'C'D' c¢6 canh b?mg a. Goi
M,N,P,Q,R,S latdm cac mat ctua hinh 1ap phuong. Thé tich khdi bat dién déu tao boi sau dinh
M,N,P,O,R,S bing
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

3

a3\/§ a3 a a3
o B. " C. o D. <
(Chuyén Lam Son - 2020) Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 M, N, P lan luot 1a
trung diém cac canh BC, C'D', DD' (tham khao hinh v&). Biét thé tich khdi hop bang 144, thé
tich khéi tir dién AMNP bang

A.

A. 15. B. 24. C. 20. D. 18.
(Chuyén Lwong Vin Chanh - Phu Yén - 2020) Cho khdi chop S.ABCD c6 chiéu cao bang 9
va day 1a hinh binh hanh c¢6 dién tich bang 10. GoiM, N, P va Q lan lugt la trong tdm cua cac
mit bén SAB, SBC, SCD va SDA. Thé tich cua khéi da dién 16i c6 dinh 1a cac diém
M,N,P, 0, BvaDla

50 25

A. 9. B. —. C. 30. D. —.
9 3

(Chuyén Thai Binh - 2020) Cho hinh hop dung ABCD.A'B'C'D'cd AA'=2, day ABCD la
hinh thoi véi ABC 1a tam gidc déu canh 4. Goi M ,N,Plan luot 1a trung diém cua B'C',
C'D', DD' va Qthudc canh BCsao cho OC =30B. Tinh thé tich t&r dién MNPQ .

A 33, B.ﬁ. 3 V3
2

C.—. D. —.
4 2

(Chuyén Lao Cai - 2020) Cho lang try déu ABC.A'B'C" c6 tat ca cac canh banga. Goi S 1a
diém dbi xtmg ctia 4 qua BC'. Thé tich khéi da dién ABCSB'C" 1a
3 3 3
a3 a3 a3
A. \/—. B. a’\/3. C. \/—. D. \/—.
3 6 2
(Chuyén Lé Hong Phong - Nam Pinh - 2020) Cho hinh hép 4BCD.A'B'C'D' ¢6 day ABCD la

hinh thoi tdm O, canh béng a vi BAC =60". Goi I, J lan luot 1a tim cia cic mit bén

ABB'A',CDD'C’. Biét Al = “f, AA' =2ava goéc gilta hai mit phing (ABB'A'),(4'B'C'D')
bang 60° . Tinh theo a thé tich khdi tir dién AOLJ.
3 3 3 3
A. 3V3a . B. V3a : C. V3a . D. V3a .
64 48 32 192

(Chuyén Quang Trung - 2020) Cho hinh chép S.ABCD day l1a hinh vudng canh a, S4 vudng
gb6c voi mat phéng (ABCD), SA=a. M,K tuong ung la trong tdm tam giac SAB,SCD; N la

trung diém BC. Thé tich khéi tir dién SMNK bing —-.a*véi m,neN,(m,n)=1. Gia tri m+n
n

bang:
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A. 28. D. 32.

Cau 27. (Chuyén Quang Trung - 2020) Cho hinh lang tru dimg 4BCD.A'B'C'D' ¢6 day la hinh thoi co
canh 4a, A'A=8a, BAD =120". Goi M,N,K ln luot 1a trung diém canh AB', B'C, BD'. Thé tich khi da
dién 10i c6 cac dinh 1a cc diém 4,B,C,M,N,K la:

A. 1243 4° B. @f C.163d° D. @f
Ciu 28. (Chuyén Son La - 2020) Cho hinh chép tir giac déu S.ABCD c6 canh ddy bang a, canh bén hop

v6i day mot goc 60°. Goi M la diém dbi xtmg cia C qua D, N 14 trung diém SC. Mit phang
(BMN) chia khéi chop S.ABCD thanh hai phan (nhu hinh v& bén). Ti s thé tich gitra hai phan

Vsapren biing

Vrpene

AL B. L. c.l. D. L.
5 6 3 4

Cau 29. (Chuyén Thai Binh - 2020) Cho hinh chép S.ABCD c6 day 1a hinh vuéng canh 2. Canh bén
SA vudng goc véi day va SA=3. Mit phang (a)qua A va vudng goc véi SC cat cac canh
SB,SC,SD tai M,N, P . Tinh thé tich mat cau ngoai tiép ti dién CMNP

4 327 B 64\/5@ c. 108z p. 1257

3 3 3 6

Cau 30. (Chuyén Thai Nguyén - 2020) Cho hinh chép S.4BC c6 ddy ABC la tam giac vuong can dinh
B, AB=4,SA=SB=SC=12.Goi M,N,E lan luot 1a trung diém ciia AC,BC, AB . Trén canh

SB liy diém F sao cho % = % Thé tich khéi tir dién MNEF bang
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

NEEES g W34 c. 334 p, 1634

3 3 9 9
(Pai Hoc Ha Tinh - 2020) Cho khdi t& dién ABCD c6 thé tich V. Goi G,,G,,G,,G, 14 trong
tAm cua bén mit cua t dién ABCD . Thé tich khéi tir dién G, G, G,G, la:
AL B._. c. . p. ~.

12 4 27 18

(Sé& Ha Tinh - 2020) Cho hinh 1ap phuong 4BCD.A'B'C'D' c6 thé tich ¥ . Goi M 1a diém
thugc canh BB’ sao cho BM =2MB'. Mit phang («) di qua M va vudng goc véi AC' cit cac
canh DD',DC,BC lan lugt tai N,P,Q. Goi V; 1a thé tich khéi da dién CPOMNC'. Tinh ty sb

y

1

V

1 4 1
(S& Bic Ninh - 2020) Cho tir dién ABCD c6 thé tich bang 18. Goi 4, 1a trong tam clia tam gidc
BCD; (P) la mat phing qua A sao cho goc gitra (P) va mit phing (BCD) bang 60°. Cac
duong thang qua B;C; D song song véi A4, cat (P) lan lugt tai B;;C;;D,. Thé tich khéi tir dién
A B,C,D, bang?
A. 1243 B. 18 C. 9\3 D. 12
(Sé Binh Phuée - 2020) Cho hinh chép déu S.ABCD c6 day ABCD la hinh vudng canh a,
canh bén bang aN2. Xét didm M thay d6i trén mit phang (SCD) sao cho tong
Q = MA®* + MB* + MC? + MD? + MS’ nhé nhat. Goi V] 1a thé tich ciia khbi chép S.ABCD va
V, 14 thé tich ctia khdi chép M.ACD. Ti s6 % bang

1

iy 52 i p. 11
140 35 70 35
(Hau Lac 2 - Thanh Héa - 2020) Cho hinh chop tam giac déu S.4BC ¢ canh bén tao véi dudng
cao mot goc30°, Ola trong tam tam gidc ABC . Mot hinh chép déu thir hai 0.4'B'C'co S 1a tam
cua tam giac A'B'C'va canh bén cta hinh chop O.4'B'C' tao véi dudng cao mdt goc 60° sao cho
mdi canh bén S4,SB,SC lan lugt cat cic canh bénOA',0B',0C'.GoiV,1a phan thé tich phan

chung ctia hai khbi chép S.ABCva0.4'B'C", V, 14 thé tich khdi chop S.ABC . Ti sb % bang:

2
A B. L c. 2. D. .
16 4 64 64

(Kim Lién - Ha Ngi - 2020) Cho hinh chép tir gidc déu S.4BCD c¢6 tat ca cac canh déu bang a,
tam cua day 14 O. Goi M, N tuong tng 1a trung diém cac canh S4,5C . Goi E 1a giao diém cia
SD va mit phang (BMN ) Tinh thé tich V' ctia khdi chop O.BMEN .

3 3 3 3
NS By 9N cy-a2 b,y Y2

18 24 12 36
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

‘ TAI LIEU‘(A)N THI THPTQG 2021
(L& Lai - Thanh Héa - 2020) Cho hinh chop déu S.ABCD c6 canh day bang a . Mit bén tao véi

day goc 60° . Mit phang (P) chira AB va tao voi day goc 30° va cat SC, SD lan luogt tai M va N.
Tinh thé tich ¥ cta khéi chép S.ABMN theo a.

3 3 3 3
A.V=“ﬁ. B.V=5‘“/§. C.V=a\/§. D.V=aﬁ
6 48 8 16

(Nguyén Hué - Phii Yén - 2020) Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao 8 va dién tich day

bang 11. Goi M 1a trung diém cta A4',N 1a diém trén canh BB’ sao cho BN =3B'N va P la
diém trén canh CC’ sao cho 6CP =5C'P. Mit phang (MNP) cit canh DD’ tai Q. Thé tich cla
khéi da dién 16i ¢6 cac dinh 1a cac diém 4, B,C,D,M,N,P va Q bang

A.8—38. B. 42. C. 44. D.%.

(Nguyén Trii - Thai Binh - 2020) Cho hinh chép S.ABCD c6 day la hinh vuong, mit bén
(S4B) 1a mot tam gide déu nim trong mét phang vudng goc véi mat day (ABCD) va c6 dién tich

273

bang 7 (dvdt). Mot mit phiang di qua trong tim tam gidc SAB va song song voi mit day

(ABCD) chia khdi chép S.ABCD thanh hai phan, tinh thé tich ¥ ciia phan chira diém S .
A.V =8. B. V=24 C.V =36. D. V=12.

(Tién Du - Béc Ninh - 2020) Cho hai hinh chdp tam giac déu c6 cung chiéu cao. Biét dinh cua
hinh chép nay tring véi tim ciia day hinh chop kia, mdi canh bén ctia hinh chop nay déu cat mot
canh bén cua hinh chép kia. Canh bén c6 d6 dai bing a cta hinh chép thir nhét tao voi dudng cao
mot goc 30°, canh bén cua hinh chép thir hai tao v6i dudong cao mot goc 45°. Tinh thé tich phan
chung cuta hai hinh chop da cho?

3(2-43) (2-+3)a’ 9(2-+3)a’ 27(2-43)@’
A ———F—. B.——. _ D.———.
64 32 64 64

(Lwong Thé Vinh - Ha Ngi - 2020) Cho hinh chop S.4ABCD c¢6 day ABCD 1a hinh binh hanh
c6 dién tich bang 124° ; khoang cach tir S téi mat phang (ABCD) bang 4a. Goi L 1a trong tdm
tam giac ACD ; goi T va V lan luogt 1a trung diém cac canh SB va SC. Mit phang (LT V) chia
hinh chép thanh hai khéi da dién, hay tinh thé tich ctia khdi da dién chira dinh S .

3 3 3
A2 B. 8a’. c. B p. 2
3 3 3

(Thanh Chwong 1 - Nghé An - 2020) Cho hinh chép tir gidc déu S.ABCD c6 thé tich bang 1.
Goi M la trung diém ctia S4 va N 1a diém ddi xtmg ctia ciia 4 qua D . Mit phang (BMN) chia
khdi chop thanh hai khéi da dién. Goi (H) 1a khéi da dién c6 chira dinh. Thé tich cua khi da
dién (H) bang

7

A —. B. c. > .2

12 12 7
(Tién Lang - Hai Phong - 2020) Cho ti dién ABCD c6 thé tich V. Goi M,N,P,0,R lan luot
1a trung diém cua cac canh 4B, AD, AC,DC,BD va G la trong tim tam gidc 4BC (nhu hinh v§).

Tinh thé tich khi da dién 16i MNPQORG theo V .

_{ B

Facebook Nguyén Vuong<® https://www.facebook.com/phong.baovuongTrang 7




NGUYEN BAO VUONG - 0946798489

AL B.~. c. . . 2L
2 6 3 5

Ciu 44. (Tran Phi - Quang Ninh - 2020) Cho ling try ABC.A'B'C’ c6 thé tich bang 6. Goi M ,N va P

1a cac diém ndm trén canh A'B’, B'C'va BC sao cho M la trung diém cua A'B', B'N = EB'C’ va

BP = %BC. Puong thang NP cit duong thang BB’ tai Eva duong thang EM cat duong thang
AB tai Q. Thé tich cua khéi da dién 16i AQPCA'MNC' bing

A.é. B.é. C.ﬁ. D.Q.
3 6 12 6
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TAI LIEU ON THI THPTQG 2021

Chuyén dé 14 THE TicH KHOI A DIEN DIEN KHAC

Caul.

Cau 2.

TAI LIEU DANH CHO POI TUQNG HQC SINH GIOI MUC 9-10 PIEM
(Pé Tham Khio 2020 Lan 2) Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bang 8 va dién tich
day bang 9. Goi M,N,Pva Q lan luot 12 tAm cua cac mat bén ABB'A’, BCC'B', CDD'C' va
DAA'D' . Thé tich cua khéi da dién 18i c¢6 cac dinh 1a cac diém 4, B,C,D,M,N,P va Q bing
A. 27. B. 30. C.18. D. 36.

Loi giai

Chon B

Ta co Vpep ey =9.8=72.

Goi 1, J, K, L 1an lugt 1a trung diém céc canh A4', BB', CC', DD’ suy ta V ;0 s = 36.

Do hinh chép AMIQ ddng dang véi hinh choép A.B'A'D’ theo ti s6 % nén

8.

VA.MQ[ ==V g =

8

N | o

1g2.3
385=7

0 | —

3
VABCD,MNPQ =Viscoms — 4VA,M,Q =36— 4.5 =30.
(M3 101 - 2020 Lén 1) Cho hinh chép déu S-4BCD ¢4 canh day bing @, canh bén bing 24 va
O 1a tam cua day. Goi M NP, O lan luot 1a cac diém dbi xtmg véi 0] qua trong tim clia cac

tam giac S4B SBC  SCD  SDA vy S' 13 diém dbi xtmg voi S qua O. Thé tich cua khbi chop
S'.MNPQ bing

204144’ 40144’ 10v144° 2144’
A ——. B. ——. C.———. D. .
81 81 81 9
Loi giai
Chon A.
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Cau 3.

SI
Goi G,,G,,G,,G, lan luot la trong tim ASAB, ASBC,ASCD,ASDA .
E,F,G,H lan luot la trung diém cua cac canh AB,BC,CD,DA .

, 4 4 1 8a’
Ta co SMNPQ = 4SGIGZG3G4 = 4'§SEFGH = 4§§EGHF = T .

d(S'.(MNPQ))=d(S',(ABCD))+d(0,(MNPQ))
=d(S,(4BCD))+2d(0,(G,G,G,G,))

=d(S,(ABCD))+§d(S,(ABCD))

5 B Sax/ﬁ

=§d(S,(ABCD))_ -

1 5a\14 84 20a’\14

Vay VS’.MNPQ = g 6 9 81

(M4 102 - 2020 Lin 1) Cho hinh chép déu S.4BCD c6 canh d4y bing a, canh bén bing a3
va O latam cua day. Goi M,N,P,Q lan luot 1a cac diém ddi xtng voi O qua trong tdm cuia cac
tam giac SAB,SBC,SCD,SDA va S’ la diém ddi xing v6i Squa O. Thé tich cua khéi chop
S’ MNPQ bang

403104° 10V104° 203/104° 2104°
A ——. B.——. cC.——. D. .
81 =8l 81 9
Loi giai
Chon B
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Ta goi G,,G,,G,;,G, 1an luot 1a trong tam cua tam giac SAB,SBC,SCD, SDA thi
, 5 5 5
d (S ,(MVPQ)) = Ed (0,(MNPQ)) = VSCMNPQ = EVOMNPQ = E'SVOAGIGZQG“

2 20 1 a10 , 104104°
ZIOVSGIGZQG‘,ZIO-EVSABCD:EE- 5 a = T

(M4 103 - 2020 Lan 1) Cho hinh chép déu S.4BCD c6 canh day bang a, canh bén bang V2a va
O la tam cua dy. Goi M, N, P,Q lan luot 1a cic diém ddi ximg v6i O qua trong tAm clia cac tam
gidc SAB,SBC,SCD,SDA va S’ 1a diém dbi xing v6i S qua O. Thé tich khdi chop S".MNPQO

bang.
3 3 3 3
A 2J6a ‘ B 40/6a . C. 1064 ‘ DL 20+/6a |
9 81 81 81
Loi gidi
Chon D
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SI
Ta cb: SKzS’O+0K=SO+§SO=5ag/g~
1 4 8
s Sywpo :4'5'§SABCD :gaz-
20\/6413‘

Vay: Ve smro = 81

(M4 104 - 2020 Lan 1) Cho hinh chop déu S.ABCD c6 tat ca cac canh bang a va O 14 tdm cua
day. Goi M,N,P,0Q lan luot 1a cic diém dbi xtimg véi O qua trong tim cla céc tam gidc
SAB,SBC,SCD,SDA va S’ 1a diém d6i xting véi S qua O. Thé tich khdi chép S'MNPQ bang

A 224 B 2024 c 4024° b 10724°
R B. — ) . T
Chon B

Taco SO = “*2/5

Goi G,K lan luot la trong tam cua tam giac SAB va tam giac SCD .

Suy ra MP=2GK=%a, tuong tu Nnga.
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TAI LIEU ON THI THPTQG 2021

= Sipo = gaz .
Ta c6 (MNPQ)//(ABCD)
d (M ,(ABCD))=2d(G,(4BCD))= %SO - “*35 .
= d((MNPQ),(ABCD)) = “{
ax/i 5a\2

= d(S',(MNPQ))=S0+
1 Sa\/_ 8a’ 20J§a

376 9 8l

(M4 102 - 2020 Lan 2) Cho hinh chép déu S.ABCD co6 canh day bing 4a, canh bén bang
24/3a va O 1a tim ctia day. Goi M, N, P, Q 1an luot 14 hinh chiéu vuong goc cua O 1én cac
mit phing (S4B), (SBC), (SCD)va (SDA) . Thé tich ciia khdi chop O.MNPQ bing

6

=V 'MNPQ —

3 3 3
A . 8 c. 18« D. 2
3 81 81 3
Loi gidi
Chon D
s

4°¢

Goi E,F,G,H lan luot 1a trung diém ctua 4B, BC,CD va DA .Goi M,N,P,Q lan lugt hinh
chiéu vuong goc cua O lén cac duong théng SE,SF,SG,SH tasuyra M,N,P,Q lan luot hinh
chiéu vudng goc ciia O mat phang (SAB),(SBC),(SCD) va (SDA).

Tacdé EFGH lahinh vudong va S, = %SABCD suy ra Vg proy = lVSAABCD .

2
2
Trong tam giac vuéng SOE tacd6 —— SM 502 _l suy ra =— SN _ SP SQ l
SE  SE° 2 SF SG SH 2
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Cau 7.

Xét hai hinh chop S.EFGH va O.MNPQ ta co6 hai duong cao OO' va SO tuong Gng ty 1¢

' S 2
00 = 1 , ddng thoi dién tich day ——2. (MNJ = 1 .
so 2’ Seron EF 4
Vo 1 1 1 11
Do vay o = — hay VOMNPQ = gVSEFGH = EVS,ABCD = E E 2a. (4a)

S.EFGH

\/_a

(M4 103 - 2020 Lan 2) Cho hinh chép déu S.ABCD c6 canh day bang a, canh bén bang ~——

va O la tam cua day. Goi M,N,P va Q lan luot 13 hinh chiéu vuong goc cua O trén cac mat
phang (S4B), (SBC), (SCD) va (SDA). Theé tich ciia khdi chép O.MNPQ béng

3 3 3

AL B. 24 c. L D. L.
48 81 81" - 96
Loi giai
Chon D

i o B
Goi M',N',P',Q’ 1an luot 1a trung diém cta cc canh AB,BC,CD, DA .
Taco AB LOM' va AB 1 SO nén AB 1 (SOM').
Suy ra (SAB) L (SOM') theo giao tuyén SM".
Theo gid thiét ta c6 OM L (SAB) nén OM L. SM', do d6 M 1a hinh chiéu vudng géc cia O trén
SM'.
Tuong ty nhu vay: N, P,Q la hinh chi€u vuong goc cia O lan luot trén SN',SP', SO’ .

2

Taco SO=+S4>— 40* = ——T:%:OM’.

Suy ra tam gidc SOM’ vudng can tai O nén M 14 trung diém cia SM’ .
Tir d6 d& ching minh dwgc MNPQ 1a hinh vuéng c6 tdm / thudc SO va nam trong mit phing

song song véi (ABCD), véi I 1a trung diém cia SO.

Suyra Of =+05 =%
277 4

. 1, 1
Dodo MN = MN'= - AC="%.

Thé tich khdi chép O.MNPQ bang %SMNPQ.OI =—.MN>OI =
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Cau 8.

Cau 9.

TAI LIEU ON THI THPTQG 2021

3a\/§
2

va O 1a tam cua day.

Cho hinh chép déu S.ABCD ¢4 canh day bang 3a  canh bén bang

Goi M, N, Pva O lan luot 13 hinh chiéu vudéng goc cua O trén céc mit phing (S4B), (SBC),
(SCD) va (SAD). Thé tich khéi chép O.MNPQ bing

3 3 3 3
A 2L B. 2% c. v p. L.
16 3 32 3
Loi giai
Chon C.

B~ F C
Goi E,F,G, H lan luot 1a giao diém cia SM vé6i 4B, SN v6i BC, SP véi CD, SO v6i DA
thi E,F,G, H 1a trung diém ctia 4B, BC,CD, DA thi

9a°
., SPSP.SG SO* 4
6 2 _ _

Tac G _50 _ 4 _ 1 platrung diém SG.
SG SG 9L 2
2
Chimg minh tuong tu ta cling c6 M ,N,Q lan luot 1a trung diém AB,BC,DA.
. a, 1 3a

Khi d6 d(O,(MNPQ)) = ESO = e

1 1 94’
SMNPQ = ZSEFGH = gSABCD = T

1 3a 94> 94°
Vay V ===
e

(M3 104 - 2020 LAn 2) Cho hinh chép ddu S.ABCD c6 canh dy bing 2a, canh bén bing a~/3
va O 1a tdm cua day. Goi M, N, P va Q lan luot 1 hinh chiéu vuong goc cua O 1én cac mat

phing (SAB), (SBC), (SCD) va (SDA). Thé tich khéi chop O.MNPQ bing:

3 3 3 3
 8a” B. L. c. L. p. 16¢
81 6 12 81
Loi giai
Chon C
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P

B

Goi I, J, E va F lan luot 1a trung diém AB, BC, CD va DA.
ASIA vudng tai I = SI =~/SA? — AI* =3’ —a* = av/2.

ASOI vudng tai O = SO =~/SI> - 0I* =~2a* -d* =a.
= ASOI vudng cantai O

= M latrung diém SI .

MN 1a duong trung binh ASLJ 2MV=%L]=%.%AC=%2G\/ =
\2 ’ a’
Sypo =MN? =| = =L
MNPQ ( 2 2

Goi H = MP(SO = H la trung diém SO .

VOAMNPQ =

1 a
d(0,(MNPQ))=SH ==S0 =—.
= d(0,(MNPQ)) = SH = SO=—
1 laad a
—SH.S, ) py = —— = —.
3 MIPC 3272 12

Cau 10.

(Dé Tham Khao 2018) Cho hinh vuéng ABCD va ABEF c6 canh béng 1, 1an luot ndm trén hai
mit phang vudéng goc véi nhau. Goi S 1a diém ddi xtmg cua B qua duong thang DE . Thé tich

ctia khdi da dién 4ABCDSEF bang

AL B U c. 2
6 12 3
Loi giai
Chon D
S
F
E‘ NS~ -~ / i P
el
Iy
e

D.

[ YR
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Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
Ta c6:ADF.BCE la hinh lang tru dang c6 day la tam giadc vudng can
Dua vao hinh vé ta c6:

VABCDSEF = VADFBCE + VSCDFE = VADFBCE + VB.CDFE = 2VADF.BCE - VBADE

v 1 1 1 1 1.5

ADF.BCE — AB'SABCE = 5; Veape = EAD'SAABE = g = Viscpser =2+

(M4 dé 104 - BGD - 2019) Cho lang tru ABC.A'B'C’c6 chiéu cao bang 4 va day 1a tam giac déu
canh bang 4. Goi M,N va P lan luot 1a tim ciia cic mit bén ABB'A’, ACC'A' va BCC'B'. Thé
tich cta khoi da dién 18i ¢6 cac dinh 1a cac diém 4, B,C,M, N, P bang

A 83, B. 6\/3. C.ﬁ. D M.

3 3
Loi giai
Chon B
A r Cf
S ;
\
\\ /’
\\ //
~ /I
\\ e
N
’ / N ~
P NI
—NP
Is ‘ \\
.
// ~ \
AT N, C
B

A o7 A+ 1w 155172l RPN 42\/5
Thé tich khoi lang tru ABC.A'B'C" 1a V =4. 2 =163 .

Goi thé tich ctia khdi da dién 16i ¢6 cac dinh 14 cac diém 4,B,C,M,N,P 1a V.

Taco: Vi =V ywes +Vame +Vanwc -

X 1.4 1 . 3 ) 1
Dé thay Ve = 3 Vvavl e = 4 Viasc 00 Vyyney ==V .
\ 1 ) 1
VBA'B'C' = g V va VBMNP = g VBArBrcr nen VBMNP = g V .
\ 1 R 1
Visew =Vipee = 3 Vva Vipe = 4 Vegpe n€0 Ve = I V.

A 3
Vay Vi =V unes +Vae +Vanpe = g V= 6\/5 .

(M4 103 - BGD - 2019) Cho lang tru ABC.A'B'C’ c6 chiéu cao bang 6 va day 1a tam giac déu
canh bang 4. Goi M, N, P lan luot 1a tim cac mit bén ABB'A’, ACC'A', BCC'B' . Thé tich khéi
da dién 16i co cac dinh 1a cac diém 4,B,C,M, N, P bang

A N3, B. 10\3. C. 7\3. D. 1243
Loi giai
Chon A
Facebook Nguyén Vuwong® https://www.facebook.com/phong.baovuongTrang 9
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Cau 13.

Al C
;
.
\ .
. B
\
. ’
N 7z
N
@ -—--\ -] \---f---B
D S F
- ~~
; .
;
A AR R
¢ > \P
\\
‘ E/
/
v
VN W T S

Goi DEF la thiét dién cua lang tru cat boi mat phang (MNP) .
D@ chimg minh dugc (DEF)//(ABC)va D,E,F lan luot 12 trung diém ctia cdc doan

4 1
thing AA', BE',CC' suy 12 Ve pur = Visc.we = 1243

Taco VABCPNM = VABCADEF - VADMN - VBMP - VCPMF .

. , 1 3
Mat khac V., =Vaypr = Ve = EVABC.DEF = Viscrn = ZVABC.DEF = 9‘/5-

(M4 102 - BGD - 2019) Cho liang tru ABC.A'B'C" c6 chiéu cao bang 8 va day la tam giac déu
canh bang 4. Goi M,N va P lan luot 1 tAm cic mit bén ABB'A',ACC'A' va BCC'B'. Thé
tich ctia khdi da dién 10i ¢6 cac dinh 1a cac diém 4,B,C,M, N, P bang

A. @. B. 16y3. C. @ D. 124/3.
Loi giai
Chon D
A ’ C'
B'
AP
n SO, VRN UUTORY AUUIORRS, c
B
, NE) 1
Taco: Vype ype = 8-7-42 = 32\/5; Veuse = EVABC.A'B'C'; Vises = EVABC.A'B'C'
Khoi da dién can tim V =V, o0 + Vo o + Vo umis
. 3 1
Taco Ve oy = ZVC'.ABC = Z Viscase
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Cau 14.

Cau 15.

TAI LIEU ON THI THPTQG 2021
1 1

Taco Vpyw = g Viscow = i Viscawe
. 1 1
Taco Vg, = Z Visep = E Viscawc

, Ly 1 1 1
Vay thé tich khoi can tim V' = ZVABC.A'B'C' +ﬂ Viscasc +EVABC.A'B'C' = %VABCA'B'C' = 12\/3 .

(Ma dé 101 - BGD - 2019) Cho ling tru ABC.A'B'C" ¢6 chiéu cao bang 8 va day la tam giac
déu canh bﬁng 6. Goi M, N va P lan luot 12 tim ctia cic mit bén ABB'A', ACC'A' va
BCC'B'. Thé tich cua khdi da dién 10i ¢6 cac dinh 13 cac diém 4,B,C,M, N, P bang

A. 3043 B. 3613 C. 2743. D. 214/3.

Loi giai

Chon C

Goi & 1a chiéu cao cua hinh lang truy ABC.A'B'C".

ViA4BC déu c6 do dai canh bing 6 nén S, . = 6%? =9\3.

Thé tich lang tru ABC.A'B'C'1a V = h.S, ;. = 8.93 = 7243 .
Goi E latrung diém cua canh AA'.
1

1
h'ZSAABC = —

7 5 1
Thé tich khdi chop AEMN 14V, s =< d (A.(EMN)).Sypy = il

N | —

!
T
Thé tich khoi da dién ABCMNP 1a:

] 1 ] 3
V s = EV — 3V = EV - 351/ - gV =273

(Chuyén Ha Long -2019) thé tich ciia bat dién déu canh bing a+/3 1a.

a. 6a’ . B. \6a® . C.—a’. D.a’.

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 11
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Ta c6 khéi bat dién déu canh a\/§ duoc tao tir 2 khdi chop tur giac déu c6 canh day va canh bén

bing a3 .

Chiéu cao cua khoi chop la: 7 =

5]

Thé tich cta khdi chop: V. = (dvtt).

a6 a3\/_
HOOE

chop
Vay thé tich khéi bat dign 1a: V' =2V, = aK@ (dvtt).

Ciu 16. Cho mot hinh l4p phuong c6 canh bang «. Tinh theo a thé tich ciia khdi bat dién déu c6 cac dinh
la tm cac mat cua hinh lap phuong.

A. la3. B. la3. C. ia3. D. l613.
4 6 12 8
Loi giai
Chon B
A D

Gia st hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh b'fmg a vatam cacmatla P,Q,R,S,0,0" nhu

hinh vé.

a2

Ta c6 PO 1a dudng trung binh cua tam giac déu B'CD’ canh axJ2 nén PO = 5

Do d6 S,y = PO’ =%a2 va 00'=a.
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Cau 17.

Cau 18.

TAI LIEU ON THI THPTQG 2021

=1

Vay thé tich bat dién can tim 1a ¥ = %SPQRS 00’ = . a’ (dvtt).

(THPT Yén Khanh - Ninh Binh 2019) Cho hinh hdp chit nhat 4BCDA'B'C'D’. Khoang céach

Za\/g
5

. . N 3.
gitta 4B va B'C 1a , gitta BC va AB' I "T*/_ gitia AC va BD' 1a % Thé tich ciia

khéi hop do 1a
A. 8a’. B. 4a’. C.2a. D. &’
Loi giai
A D'
|
B | c
2 | e
I\\(‘ ',”’ _’,—"’::"i/
e St Stanlh bt
[ e T
S e i 0 "j¥
B C

Piat AB=x, AD=1y, AA' =z.

Goi H 1a hinh chiéu vudng goéc ciia B trén B'C,tacdé BH 1a doan vudng goc chung ctia 4B va

2a+/5 1 11 5_(1)

=

BHz - ZZ yz

B'C nén d(A4B,B'C)=BH =

4a’

Goi / 14 hinh chiéu vudng goc ciia B trén AB’, ta cd BI la doan vudng goc chung cia BC va
1 1 1 5
-(2)

AB' nén d(BC,AB")= Bl =

27 2 2
74 x oz

4a’
Goi M 14 trung diém ctia DD', O la giao diém ciia AC va BD, ta ¢6 mit phang (ACM ) chira
AC va song song v6i BD'nén d(AC,BD')=d(BD',(ACM))=d(D',(ACM)).

Goi J 1a hinh chiéu vudng goc ciia D trén AC, K 1a hinh chiéu vudéng goc cia D trén MJ , ta

1 1 1 4 3

oy _ B
c6 d(D',(ACM))=d(D,(ACM))= DK = R

Tir (1), (2)va (3) ta c6 = =~ & z=2a=x= y—a.
z

a2
Thé tich khéi hop 1a V = xyz =24’ .

(THPT Ng6 Gia Tw Vinh Phic 2019) Cho hinh hop chit nhat ABCD.A'B'C'D' c6
AB=a,BC =2a,AC"'=3a.Piém N thudc canh BB' sao cho BN =2NB', diém M thudc canh

DD' sao cho D'M =2MD . Mit phing (A4'MN ) chia hinh hop chit nhat 1am hai phan, tinh thé

tich phan chira diém C'.

A. 4a’. D. 3a°.

B. a’. C.2a’.
Loi giai
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Cau 19.

Chen C
A’ D’
/|\\\
/ | \ \\\
7N ~
// | ) \\\
B / L VAN
~ 4 _ [ \ ! N
ARRES SR &) M
/’ ([ S R RSt
BESE= A~ o
N' - IA O\ \‘\\
A |04 UD
\
// \
/s \
, \
// D
B C

Nhan xét: B' NDM 1a hinh binh hanh (B'N =DM,B'N//DM)

= MN N B'D =0 latrung diém ciia mdi doan nén O ciing 14 trung diém ciia duong chéo A'C.
Vay thiét dién tao bdi mt (4'MN) va hinh chép 1a hinh binh hanh 4'NCM .

Tacé: C'A>=B'B*+BA>+BC* = B'B=2a.

Cach 1:

Thé tich phan chia C' 1a

1 1 1 1 1 1
V = VA'.B'C'CN + VA"C'CMD = EA B 'SB'C'CN +§A D 'SC'D'MC
2a +2a da +2a
=—.a.2a3—+—.2a.a =2a’.
3 2 3 2

Cich 2: Ap dung cong thirc tinh nhanh
Goi thé tich phan chtta C' 1a V',
B'N N D'M
Ta c6: r B8 DD _1_ i lyps
ABCD.A'B'C'D' 2 2

Cich 3: Nhan xét nhanh do da dién chira C' d6i xtmng vé6i da dién khong chira C' qua O nén thé

. A B M 1
tich cua hai phan nay bang nhau, suy ra V' = E‘VABCDA'B'C'D' =2a’.

(Sé Thanh Héa 2019) Cho hinh chop déu S.4BC cb day canh bang a, goc giira dudng thang SA

va mit phang (ABC) bang 60°. Goi 4', B', C' tuong (g la céc diém dbi xtmg ciia 4, B, C

qua S. Thé tich ¥ ciia khdi bat dién co cac mit ABC, AB'C', ABC, B'CA, C'AB, ABC',

BA'C', CAB 1a

2\/§a3 4x/§a3
3

3
a . D. V= .
2 3

A V= B. V =234°. C.

V=

Loi giai
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Cau 20.

TAI LIEU ON THI THPTQG 2021

Goi D, D' theo tht ty 1a dinh thtr tu ctia hinh thoi ABCD, A'B'C'D'.
Thé tich cta bat dién can tim:
1 1

V= VABCD.C’D’A'B’ - VBC'D'A’ - VB’ACD = VABCD.C’D’A’B’ _g VABCDC’D’A’B’ _g VABCDC’D’A’B’

2 2
= EVABCD.C’D’A'B' = §'2S0‘2SAABC ()

a*\3

Taco: S,z = p

2a\/§‘\/§

Ta c6: ($4,(4BC)) =S40 = 60° = SO = O.tan 60° =35

2 3
Dods: V=542 3 _2a \B.
3 4 3
(Chuyén KHTN - 2020) Cho hinh lap phwong ABCD.A'B'C'D' c6 canh bang a. Goi
M,N,P,Q,R,S latadm cac mat cta hinh 1ap phuong. Thé tich khdi bat dién déu tao boi sau dinh

M,N,P,0O,R,S bing

3 3 ’ :
@2 a e a
A. B. _ Co — D. 3
24 4 12 ’
Loi giai
Chon D
A
D
: R
1
e /B v
. —i—
| + :' u \\
v s .
1 » £l 's
l’:' ---:':'-':b.'i- : ‘*
e oY et 1 1
4 T T i
a [N Sxp=moAy g
R Q- 2 I of
i v ! o’
- * . ¢
1 -~ L] ¢ |
(A he 00
Sl i o B
i §‘b'v ! P
i S
B
C

Ta c6: d& thdy MNPORS 1a bat gidc déunén V =V, o0 + Vs snro = 2V eamro
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~ ’ a
D@ thdy: RO = 5

a2
2

Lai c¢6 hinh chop déu R.MNPQ c6 tit ca cac canh bang nhau nén: MR = OR\2 =

3
= W o =2~ MN?OR =L
' 3 6
Cau 21. (Chuyén Lam Son - 2020) Cho hinh hdp chir nhat ABCD.A'B'C'D' ¢6 M, N, P lan luot 1a
trung diém cac canh BC, C'D', DD' (tham khdao hinh v&). Biét thé tich khdi hop bang 144, thé
tich khéi t&r dién AMNP bang

15. B. 24. C. 20. D. 18.

1>

Chon A

R

NPACD=E. it DC=2d, BC =2r.

-S

ABM

S

EMA — SECBA - SEM

=5dr—§dr—dr zédr.
2 2

0 5
Vasas = Suu d (N, (EMA)) = 2.8, CC' == Adr.CC' ==V iy e =30.

1 1

1
Vapan = E Viean =15.

Ciu 22. (Chuyén Lwong Vin Chanh - Phi Yén - 2020) Cho khdi chop S.ABCD c6 chiéu cao bang 9
va d4y 1a hinh binh hanh c6 dién tich bang 10. Goi M, N, P va Q lan luot I3 trong tim clia cac
mit bén SAB, SBC, SCD va SDA. Thé tich cua khdi da dién 16i c6 dinh 1a cic diém
M,N,P,0,BvaDla
A 9. B 22 C. 30. D. 22

9 3
Loi giai
Chon B
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Cau 23.

TAI LIEU ON THI THPTQG 2021

Theo tinh chat trong tim cua tam gidc, ta c6 cac dudng thang BM, DQ, SA dong quy tai trung
diém E cua S4. Tuong tu, cac dudng thang BN, DP, SC dong quy tai trung diém F cua SC.
Ta phan chia khdi da dién 18i ¢6 dinh 1a cac diém M, N, P, O, B va D thanh khéi chop
B.MNPQ va khéi t dién BDPQ .

Ciing theo tinh chét trong tdm, ta c6 mit phang (MNPQ) song song v&i mit phang (ABCD) va
Synep = gsmr = g.%SABCD = %SABCD (trong &6 X, Y, Z, T lan luot 14 trung diém ctia

AB, BC, CD, DA).

Hon nira,

d[ B,(MNPQ)|=d[ X,(MNPQ) | = %d [S.(MNPQ)]= %%d [S.(4BCD)|= %d [S.(4BCD)].

12 2

DO dé, VBJ\//NPQ ZE'EVS'ABCD =2_7VS4ABCD (1) N
Laico
4 4
Vipro = 9 Viper (do Spro = 9 SDEFJ

Loy (do d[ B,(DEF)]=2d]0,(DEF)])

1
2=V (do Soer = ZSSACJ

A= A=

N | —

1
Vs apep = 5 Vs ascp (2)

trong d6, O 1a tdm cta hinh binh hanh ABCD.

. . 2 1 2 1)1 50
Tu (1) va (2) , ta dlI(_)‘c VMNPQBD = [E+§j VS.ABCD = [E‘f‘gjgglo = ? (tht)
(Chuyén Thai Binh - 2020) Cho hinh hop dung ABCD.A'B'C'D'cd AA'=2, day ABCD la
hinh thoi véi ABC 1a tam giac déu canh 4. Goi M ,N,Plan luot 1a trung diém cia B'C',
C'D', DD' va Qthudc canh BCsao cho OC =30QB . Tinh thé tich tir dién MNPQ .

A. 33, B.%. c.g. Q.?
Loi gidi
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Chon D
Goi Ova O'lan luot 1 tam day ABCD va A'B'C'D".
AABCdéu canh 4, Ola trung diém BC = 0B =23, OC=2.
Gén hé truc toa do Oxyz , tia Ox trung tia OC , tia Oy trung tia OB, tia Oz trung tia OO".

A B'

M

s -

Xf .
P
o

X
Khi do: C(2;0;0), B(0;2v3;0), B'(0:243;2), C'(2;0,2), D(0;-243:0), D'(0;-243;2)
M la trung diém B'C' :>M(1;\/§;2).
N 1a trung diém C'D':N(l;—ﬁ;z).

P latrung diém DD’ :>P(O;—2\/§;l).

3 L1
XQ_?_Iz(O—z) 0 2
Q thudc canh BCsao cho QC = 3QB:>CQ=—CB:> yQ—0:%(2\/§—0):> yQ:¥
zQ—o=§(0—o) % =0
4
Suy ra Q[l 3\2/_ ]

Taco: Vyppp = é‘[ﬂﬁ,ﬁﬂ@‘
Wv:(o;—zﬁ;o), W:(—l;—3ﬁ;—1) :[W,W}:(zﬁ;o;—zﬁ)
wli8

2

MNPQ

3
5

2{[—-) *g+(—2\6).(—2)

Ciu 24. (Chuyén Lao Cai - 2020) Cho lang try déu ABC.A'B'C' c¢6 tit ca cac canh banga. Goi S 1a
diém dbi xtmg ctia 4 qua BC'. Thé tich khéi da dién ABCSB'C" 1a
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Cau 25.

TAI LIEU ON THI THPTQG 2021

3 3 3
a3 B. a'\/3 a3 Da\/g.

3 . . . . 6 . . 2
Loi giai
Chon A
o c
,.J ..,I
2 =
afl’ n‘,‘ :
v ZH ! 1
s I 1
. i ]
/l ]
!
-~ I I
! s
AR S S = o T R~ ~ .
""-.__ -.?l' ,F—_'_"" T
e O
e ,’/'.:l'
v
L

Chia khéi da dién ABCSB'C" thanh 2 khdi 1a khéi chép A.BCC'B' va khdi chop S.BCC'B'

VABCSB'C' = VABCC'B + Vs BCC'B'

Goi M 1a trung diém BC.
AM 1 BC : 3
Ta cé: = AM 1 (BCC'B'). Tam gidc ABC déu :AM:i.
AM 1 BB’ 2

Thé tich khéi chop A.BCC'B' la:

1 1 ax/_ a3x/§

VA BCC'B' 3 AM SBCC 'B' 3 2 'a 6

Thé tich khéi chép S.BCC'B' la:

VSABCC'B' — ( (BCC B )) BCC'B'
VA‘BCC'B' ( ’(BC )) BCC'B'

d(S; BCCB)
d(4;(BCC'B")) Al

73 VB, aNE a3

= Vs scew =Vipeon = 6 = Visesse =Vancen T Vspcon = 6 6 3

(Chuyén Lé Hong Phong - Nam Binh - 2020) Cho hinh hop 4BCD.A'B'C'D' ¢6 day ABCD la
hinh thoi tdm O, canh béng a vi BAC =60". Goi I, J lan luot 1a tdm cia cac mit bén

ABB'A',CDD'C'. Biét Al = "f, AA'=2ava gbc giira hai mit phing (4BB'A’),(A'B'C'D')
bang 60° . Tinh theo a thé tich khdi tir dién AOLJ.
3 3 3
NEET g, Y30 c B p, B3¢
64 48 = 32 192
Loi gidi
Chon C
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A r

AA? + AB* A'B?
2 - =

Tach AI* = A'B* = 2(AA'2 + AB? ) _44I* =3a> = AB=a\3

a*\3

Do A'B*+ AB* = AA” nén tam gidc A'ABvudngtaiB=S,,,=——

2
Tam giac ABC déu canh a nén S BC = #

Theo dé goc giita hai mat phing (ABB'A'),(A'B'C'D'") bang 60°, nén suy ra
28,585 siN60"  a’3

VA "ABC -

34B 8

1 11 , 1 1 1 a3
Viow =34 (05(147)) .8, = 354 (B:(B AD))ESB,AD =3 Ve =3 Viewe ==~
Bo sung: Cong thirc tinh nhanh thé tich tir dién theo goc giita hai mdt phang
Cho tir dién ABCD c6 dién tich tam giac ABC bang S, , dién tich tam giac BCD 1a §, va goc gitra

. v i 2 - !
hai mat phing (ABC) va (DBC) 1 ¢. Khi dé ta ¢6: V0, :%
A
D B
>
C

Chirng minh: Goi H 14 hinh chiéu ctia A 1én (BCD), ké HI LBC tai I thi ALLBC va
((4BC);(DBC))=(Al;HI )= AIH = ¢ ; AH = Alsing
1 _ 25,8, sing

1 . 128 .
Visep = EAH.SDBC = EAI sing.S, = EB—AC’fC.sm .S, e

Cau 26. (Chuyén Quang Trung - 2020) Cho hinh chop S.ABCD day la hinh vuong canh a, S4 vudng
gbc voi mit phang (4ABCD), SA=a. M,K tuong (g la trong tam tam gidc SAB,SCD; N la
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TAI LIEU ON THI THPTQG 2021
. X 2 s Le vr 1:a M m , - L,
trung diém BC. Thé tich khéi tir dién SMNK bang —.a’véi m,n e N,(m,n)=1. Gia tri m+n

n
bang:
A. 28.B 12. C. 19.
Chon A
. 1 a’
Taco: Vs zep :§SA.SABCD =3

Goi I 1a trung diém cua AB, J la trung diém ciia CD. Ta c6: ASMN ddng dang v6i ASIJ theo

2 2Y 4
ti sO 3 Do d6 Vg =V :(—j Vo :aVP.SIJ'

s 1 1 a’
Mat khac S,,, = ZSABCD‘ Dodo Vg, =V, = ZVSABCD = I

3 3
a a

. 4

Nén Vg, 25 1 77
Vay m=1,n=27T=>m+n=28.

Cau 27. (Chuyén Quang Trung - 2020) Cho hinh lang tru ding ABCD.A'B'C'D’ ¢6 day la hinh thoi co
canh 4a, A'A=8a, BAD =120". Goi M,N,K lin luot 14 trung diém canh AB',B'C,BD'. Thé
tich khéi da dién 16i co cac dinh 1a cac diém 4,B,C,M,N,K la:

B. @cf’

C.16\34d°

A. 1234° D. #f

Loi gii
Chon A
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MN//AC;MN:%AC, MNCA 1a hinh thang.

VMNKABC VK MNCA + VB MNCA
B'K 1 _ d(K;(MNC4)) 1
DK cit (B’AC) tai B’, B'D 5 = m = 5 = Vimnca = EVDAMNCA

\ R , 1 3
Ma: Vy yvea =Voawea D€D A CO Ve = E Vo svea tVaames = EVBMNCA
3 3 3 31
Mait khac: Sivca = ZSB'AC = Vs avea = ZVBB'AC = Z Vi apc = Zg Visepapcop = 8\/5613

3 8\/§a —12\/§a

VMNKABC 2 BMNCA

Ciu 28. (Chuyén Son La - 2020) Cho hinh chép tr gidc déu S.ABCD c6 canh day bang a, canh bén hop
v6i day mot goc 60°. Goi M 1a diém dbi ximg cua C qua D, N 1a trung diém SC. Mit phing
(BMN) chia khéi chop S.ABCD thanh hai phan (nhu hinh v& bén). Ti s6 thé tich giira hai phan

VSABFEN b 5.11 g
VBFDCNE

NG N

AL B. L. c.l. D.
5 6 3
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Cau 29.

TAI LIEU ON THI THPTQG 2021
Loi giai
Chon A
Ta co N 1a trung diém cua SO, D 1a trung diém ctia CM nén E 1a trong tam tam giac SCM .
Ky hiéu 4, S,V twong mg 1a chiéu cao, dién tich day va thé tich khdi chép S.ABCDta co

1 h 14
S. =S=V =——8S=_.
BCM N.BCM 3 2 2
knido Vaee (ME MD MF 211 1 ., _V1_V
Vives MN MC MB 322 6 M.EDE — 5"6 12
Nhu vay Vypens =K v_5¥ _w — Vasren _ 7

—_— = — = .
2 12 12 0 MY o Ty S

(Chuyén Thai Binh - 2020) Cho hinh chép S.4BCD cé day la hinh vudng canh 22, Canh bén
SA vudng goc véi day va SA=3. Mit phang (a) qua A va vuoéng goc voi SC cit cac canh
SB,SC,SD tai M,N,P . Tinh thé tich mit ciu ngoai tiép ta dién CMNP

N2 B 64\/§7r' c. 108z p. 1257

- 3 3 3 6

Chon A

4B 1 BC
Lai c6 MA L SC= MA L (SBC)=MA L MC (1).

S4 L BC
Ta co: = BC 1 (S4B)= BC L MA..

Tuong ty: AP L PC (2).
Mit khac AN L NC (3).
Goi / 1a trung diém cua AC, tir (1) (2) (3) tacod IN=IM =1IC =IP(= IA). Mit cau ngoai tiép
CMNP la mat cau tam [ , ban kinh /4.

ac A(22) +(2v2)

2 2

14 2.
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Thé tich khi cau ngoai tiép tir dien CMNP 1a: V = gn.f _327

3

Cau 30. (Chuyén Thai Nguyén - 2020) Cho hinh chop S.4BC c6 ddy ABC la tam giac vuong can dinh
B, AB=4, SA=SB=SC=12.Goi M,N,E lan luot 13 trung diém cia AC,BC, AB . Trén canh

SB lay diém F sao cho % = % Thé tich khoi tr dién MNEF bang

Chon C

Vi S4 =SB =SC nén hinh chiéu cia S lén (ABC) 1a thm duong tron ngoai tiép ABC, suy ra
SM 1 (ABC).
Tt AB=4=AC=4/2.

Tam gidc SAM vudng tai M nén SM =+/SA> — AM? = [12? —(2\/5)2 =234 .

5 1 11 11 167/34
Thé tich VSABC=§~SABC-SM—§~E~ABZ-SM:§3~42~2\/37:T.
Suy ra thé tich
1 11 2 1 1 32434 834
VMNEFZE' MNE'd(F:(MNE))ZE'Z'SABC'E'SM:E'VSAABC:E' 3 :T-

Cau 31. (Pai Hoc Ha Tinh - 2020) Cho khéi t dién ABCD c6 thé tich V . Goi G,,G,,G,,G, la trong
tAm ctia bon mit cua tir dién ABCD . Thé tich khéi ta dién G, G, G,G, la:

AL B._. c. . p. .
12 4 = 27 18
Loi giai
Chon C
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Cau 32.

TAI LIEU ON THI THPTQG 2021

Goi H,E,F lan luot 1a trung diém BD, BC,CD
49, 4% _2_ 66,//HE (1)
AE  AH 3

AG, AG, 2
TlI‘O'l’lg tur F— 10 —§:>G2G3//HF(2)

T (1),(2)=(G,G,G,)//(DBC)

r

Ta cé

= d(G3(6:G:G,)) =d(Gys(BCD)) = 1d 4:(BCD))

. GG, AG, 2

T iac G, G.G, dong dang t iac HEF 1la 22 ="12==

am giac G, G;G, dong dang tam giac a F 3

2Y 41 1

SGZG3G4 :(gj S yr ZE'ZSABC :§SABC'

Thé tich khéi tir dién G, G, G,G, la:
1 11 1 1 14

14 :Ed(Gl;(G2G3G4)).SGQG3G4 = g.gd(A;(BCD)) ESABC =EVABCD =

(S& Ha Tinh - 2020) Cho hinh 1ap phuong ABCD.A'B'C'D' c6 thé tich V. Goi M la diém
thugc canh BB’ sao cho BM =2MB'. Mit phang («) di qua M va vudng goc véi AC’ cit cac
canh DD',DC,BC lan lugt tai N,P,Q. Goi V; 1a thé tich khéi da dién CPOMNC'. Tinh ty sb

n
v
31 35 34 13
L B. —. C.—. D. —.
162 = 162 162 162
Loi gii
Chon B
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Cau 33.

A’ D’
|
B’ 1 C.
"y |
Wi /4 _ — =N
e B
N -
M <z q
/ \\\
N T~
A \\
&N —EzA==3
’// . ——"'\ -
— - = g - P
B 0 C
R

Theo gia thiét ()N DD' = N,(a) "CD = P,(a) n BC = Q . Tir tinh chét ctia hinh 1ap phuong ta
c6 (ACC"Y L BD suyra BD 1 AC' do d6 BD//(«), tir day ta suy ra MN//BD; PQ//BD do vy ta
c6 DN =2ND'.
AB 1 B'C

= B'C L (ABC"Y= B'C L AC' vi vay
BC' L B'C
(a)//B'C do @6 MQ//B'C , vay ta dugc BQ =2QC , va theo trén PQ//BD talaico6 DP=2PC.
Vay cac diém M,N,P, 0O hoan toan dugc xac dinh.
Goi S 1a diém trén canh CC’ théa man CS =2SC’ va R 1a diém trén duong thang CC’ thoa
man MB'CR 1 hinh binh hanh. Khi d6 ta c6 R nim trén mit phang () va (MNS)//(A'B'C'D’)
bat v, = VeerosVa =Vemsy Khi d6 ¥V, = Vs +Venssy — Vecro

Ta xac dinh vi tri P, O nhu sau: Ta c6 {

bit canh cua hinh 13p phuong la 4B =3x taco
V =03x) =27x°

1 9
Veuns =—SN.SM SR = = x° 9, 3, &
6 2 V x4+ =x 35
30 dodoL=2 2 6 _°°
14 27x° 162

1
Verioy =—SM.SN.SC' =—
cusy = 5

1 X
VRCPQ = g CPCQCR = Z

vay L33

Vo162
(S Bic Ninh - 2020) Cho tir dién ABCD c6 thé tich bang 18. Goi 4, 14 trong tm cila tam giac
BCD; (P) 1a mat phang qua A sao cho géc giita (P) va mat phang (BCD) bang 60°. Cac
dudng thing qua B;C;D song song voi A4, cét (P) lan luot tai B;C;D,. Thé tich khoi tir dién
AB,C,D, bang?

A 1243 B. 18 C. 93

Loi giai

D. 12

Chon B
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Cau 34.

TAI LIEU ON THI THPTQG 2021

Tur gia thiét 4, 13 trong tim tam giac BCD nén ta suy ra A ciing la trong tim tam giac B,C,D;.

Do do V, zcp = 3VAAAlBC = 3VBAAA1C valV, pep = 3VA1.ABIC1 = 3VBI.AA1C1 .

d[B;(AA,CC, )] = d[B1 (44,cq) ] —~y

g B.AAC = VBI‘AAICI
AA4C T P A4,

Mait khac do quan hé song song nén {
Vaynén V, pcp =Viger = 18

(Sé Binh Phwéc - 2020) Cho hinh chop déu S.ABCD c6 day ABCD 1a hinh vudng canh q,
canh bén bing aV2. Xét diém M thay d6i trén mat phang (SCD) sao cho tong
Q = MA* + MB* + MC? + MD? + MS? nhé nhat. Goi V] 1a thé tich ciia khbi chép S.ABCD va

V, la thé tich ctia khdi chép M.ACD. Ti s6 % bang

1

AL B. 22 c p. Ll
140 35 — 70 35
Loi giai
Chon C

Goi O 1a tAm hinh vuong ABCD va I 1a diém trén doan thiang SO sao cho 410 +1IS =0
- —\2 — —\2 — —\2 _ —\2 —_2
Taco: Q=(MO+OA| +(MO+0B| +(MO+0C| +(MO+0D) +MS
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Cau 35.

NN N ., 2 s —\2
—4MO +MS +404% = 4(MI+10) +(MI+IS) 404 =5MI? +410% + IS + 4047,
Vi 410% + IS? +40A4* = const nén Q nhé nhat < MI nhé nhit < M 1a hinh chiéu cta I trén
(SCD).
Goi E la trung diém CD, H 14 hinh chiéu cua O trén (SCD)= M, H < SE.

Ta co Sozﬁ,SEzﬂ,SH:‘?’—a.
2 2 N
i SM_ST_ 4 o129 L yp—sposp =19
SH SO 5 57 1047

1

(HAu Ljc 2 - Thanh Héa - 2020) Cho hinh chop tam giac déu S.4ABC c6 canh bén tao voi duong
cao mot goc30°, Ola trong tim tam giac ABC . Mot hinh chop déu thir haiO0.4'B'C'c6 S 1a tam
cua tam giac A'B'C'va canh bén cia hinh chop O.4'B'C" tao véi duong cao mot goc 60° sao cho
mdi canh bén S4,SB,SC lan lugt cit cac canh bénOA',0B',0C'.GoiV;1a phan thé tich phan
chung cua hai khéi chop S.ABCva0.4'B'C", V, 1a thé tich khdi chop S.ABC . Ti s6 ; bang:

2

A — B. L = D. 2
16 4 64 64
Loi gii
Chon A

GOI1E =0A4'nSA;F =0B'nSB;G =0C'nSC

Theo hinh v& thé tich V, = V003 Vs = Vs ise

batSO=x

Do S.4ABC1a hinh chép déu va O 1a tim tam giac ABCnén SO L (ABC )
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Do O.4'B'C'la hinh chop déu va S 14 tim tam giac A'B'C'nén OS L (A'B'C')

Tir d6 ta c6(ABC)//(A'B'C')= OA//SA'vaSO 1 04;0S L SA'

A S

Ta c6 theo dit kién bai todn ta c6 A4S0 =30°; 4'OS = 60°

Taco
SE_\B3 — SE =2 */_ —OE=2
SO 2 2
SO J— SA:sz
s4 2 3
SO _ 1 ogr=ox
0A' 2
04_1_ ,, _54_x\3
s4 2 2 3
S B s4=x3
Taco.
AB.?%z OA= AB =043 = x
B'.%%—SA = A'B'=S4"3 =3x
Ta co:
v, =V, 1,232V
SABC T3y 12
p 1 ()3 233
O.A'B'C"' 3 4 4
Ta co:
3
3 X\/g
@_ES_FE_[S_EJ_ 2 |27 _2_7x3ﬁ
Ve e SA SBSC \ 54 3| 64 Y 64 12
3
3
3 X
Vows OE OF OG (OE ) 1 1 1 ¥33
A = : : = === === Vo = Voune =7
V, wwer OA" OB OC' \04' 2x | 64 64 64 4
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7 33x°

W3, 64 9

V=V, . +V = =12t =

1 S.EFG O.EFG 64 V2 x3\/§ 16
12

Ciu 36. (Kim Lién - Ha N@i - 2020) Cho hinh chop tir gidc déu S.ABCD c6 tat ca cac canh déu bang a,
tam cua day 1a O. Goi M ,N tuong ung 1a trung diém cac canh S4,SC . Goi E la giao diém cia

SD va mit phang (BMN ). Tinh thé tich ¥ cta khéi chop O.BMEN .

a2 a2 a’

A V= . B. V= . C.V=

3
D.V=‘“E.
= 36

2
7

18 24 1
Loi giai

Chon D

Goi K = MN NSO, khi d6 BK cit SD tai E.K¢é OO'//BE.
Do MN 1a dudng trung binh ctia ASAC nén K 1a trung diém ciia SO .

Suy ra Vi, gy = Vs pren -
Viwe (M SE_1SE Vi, SN SE_1SE

TaCé: —_— = = = . =—.—.
Viswr SA SD 2 SD Viser SC SD 2 SD
1 SE
Suy 1a Vs gy =V pae + Vs e = ES_D S.4BCD *

Vi 00'//BE = O' 1a trung diém cua ED .
Mit khac: KE//OO' = E 1a trung diém cua SO’ .
SE 1

Do d6 SE=EO'=0'D = —.
SD 3

1
Suy ra V gy = g Vs asco

L., _ 2
Taco: S, ,0p=a".

2 2
Xét ASOA vudng tai O cb: SO =~SA* —04* = /SAZ—(%j = /az—[”‘fj = ‘“2/5.

. 1 a*\2
Do d6: Vs izcp =§SABCD.SO= 6
1 a3\/§ B a3\/§

Vay Vs pyuy = g 6 36
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Cau 37. (Lé Lai- Thanh Héa - 2020) Cho hinh chép déu S.4BCD c¢6 canh day bang a . Mat bén tao voi

day goc 60 . Mit phéng (P) chura AB va tao vdi day goc 30 5C.5D lan luot tai Mvél

va cit
N. Tinh thé tich v ctia khdi chop S.ABMN theo ¢.
3 3 3 3
A.V=“ﬁ. B.V=5“*/§. C.V=“\/§. Q.V=“ﬁ
6 48 8 16
Loi giai
Chon D
Goi ACNBD={0}= SO L (ABCD) (vi S.ABCD lahinh
chop déu)

Goi 1,J lan luot 13 hinh chiéu vuong goc cua Otrén DC, AB
va goi SO (P)={E}=((SDC),(ABCD))=SO0I =60°"va
((P).(4BCD))=EJO =30".

Khi d6 tam giac SIJ déu. Ma EJO =30" = %SJ] = JE la

phan giac cta goc SJI = F 1a trung diém cua S/ (1) (voi
JENSI ={F}). Mt khac
CD//AB = CD//(P)= CD//MN (2)

Tu (1) va (2) suy ra MN 1a duong trung binh trong tam giac

SBC:>Sﬂ=S—N=l
SC SD 2
% SM 1 1 1
I/SAABM :EZEZ I/SABM :EVSAABC ZZVS'ABCD
Khi dotaco 4 55
VSAAMN _Sﬂ SN

11
Ve SCSD 272

1
Z = VS'AAMN = Z VSAACD = g VS.ABCD

=V oy =Vsaomw T Vs w = ZI/SAABCD + gVSAABCD = gVSAABCD (*)

3
Tam giac SIJ déu canh a = SO=§: Vs iscn =%SO.SABCD =%.a\2/§ a =2 g/g (2%)
343 _ a3

Thay (2*) vao (*) ta dwoc Vy iz =< g T

Ciu 38. (Nguyén Hué - Phu Yén - 2020) Cho hinh hop ABCD.A'B'C'D’ cé chiéu cao 8 va dién tich day
bang 11. Goi M 1a trung diém cta 44', N la diém trén canh BB’ sao cho BN =3B'N va P la
diém trén canh CC’ sao cho 6CP =5C'P . Mit phang (MNP) cat canh DD’ tai Q. Thé tich cia
khéi da dién 16i ¢6 cac dinh 1a cac diém 4, B,C,D,M,N,P va Q bang

A3 B. 42. C. 44. p. 22
3 3
Loi gii
Chon B

Trudc tién ta chiing minh bo dé sau:
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B
1 1x X ~ 1{AM BN CP
Cho hinh lang tru nhu hinh v&, V., = 3\ + 25 + CC’). BCABC -
Chiing minh:
Vascame = Vyacs ¥V acru
BN BN 1

Vv.acs Zﬁ- B.ACB ~ ﬁg ABC.A'B'C’

1

—(CP+AM
Vv.aceu _ S icru _2 ( ) :l( cp + AM]
Viaccw  Saccu A4 2\CC" 44

1 (CP AM ) 2

= Vyacrn = 5-[@+HJ-EVABCA'B'C'

Tir d6 ta suy ra didu phai chimg minh.
Bay gio ta 4p dung vao giai bai toan.

(ADD'A")//(BCC'B')

Ta c6: ¢ MQ < (MNP)N(ADD'A")= NP//MQ, twong ty ta cling c6 MN//PQ . Do d6 MNPQ la
NP = (MNP)~(BCC'B')

hinh binh hanh.

Ta c6 Ol la duong trung binh cua hai hinh thang AMPC va BNQD suy ra

201 = MA+ PC =DQ+ NB = MA+ rC _BN DO

+
AA'" CC' BB' DD’
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Cau 39.

TAI LIEU ON THI THPTQG 2021
Duya vao hinh v& ta chia khéi lang tru lam hai phan khi cdt boi mat phang (BDD'B'). Do d6

44,

Vs aos =Vepe spe =

VABCD‘MNPQ = VABD‘MNQ + VBCDNPQ
1({MA BN DQ 1(CP BN DQ

=3 + + Vappasp T3 + + ¥ Bep.B'C'D!
3\ 44" BB' DD’ : 3\ CC" BB' DD :
I(MA BN DQ CP BN DQ)\1

=3 Pl ;t Tt T 75V asc.asc
3\44" BB'" DD'" CC" BB' DD')?2

1 MA CP
ZE 3. H"'@ 'VABCAA’B’C’

1 (MA CP
=5 + 'VABC.A’B’C’

2’44 cC’
=l.(l+i).88=42
212 11

(Nguyén Trii - Thai Binh - 2020) Cho hinh chép S.ABCD c6 day la hinh vudng, mit bén
(S4B) 1a mot tam gide déu nim trong mét phang vudng goc véi mat day (ABCD) va c6 dién tich

273

bing 1 (dvdt). Mot mit phing di qua trong tim tam giac SAB va song song v&i mit day
ABCD)) chia khdi chop S.ABCD thanh hai phan, tinh thé tich ¥ cta phan chtra diém S .
A.V =8. B.V =24, C.V=36. D. V=12.
Loi gii
Chon D

Goi H 1a trung diém 4B . Do ASAB déuva (SAB) L (ABCD) nén SH L(ABCD).

AB\3 _ 3343 9
2

2
ABNS TN g5

Taco Sy = 4 4 = SH = 5 5
1 1 1 29 81
= Vs.asco = E‘SABCD‘SH = E-ABZ-SH = 5(3\/5) 5 = ? (dvtt).

Goi G 1a trong tAm tam gidc SAB, qua G ké duong thang song song vi AB , cat SA va SB lan
luottai M, N.Qua N ké duong thing song song véi BC cat SC tai P, qua M ké duong
thang song song voi AD cat SD tai Q. Suy ra (MNPQ) 1a mat phang di qua G va song song
voi (ABCD).
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Khide SM _SN _Sp _SQ _SG_2
S4 SB SC SD SH 3

V. SM SN SP _(2) 8 8 g 1 4
Co—smve 28 D8 2 N2 Dy =V =V =
VSABC S4 SB SC (3) 27 S.MNP 27 S.4BC 272 S.4BCD 77 S.4BCD
SM SP SO (2 8 8 g 1 4
Céﬂ:—~—'—=(—j = oV =V sop =— Ve pen =—Vs en-
VSAACD SA4 SC SD 3 27 S.MPQ 27 S.4CD 272 S.ABCD 27 S.ABCD
A 4 4 8 8 81
Vay Vs_MNPQ = VSAMNP + VSAMPQ = 2_7VSAABCD +EVSAABCD = 2_7VS.ABCD — 2_7? =12 (tht).

Ciu 40. (Tién Du - Bic Ninh - 2020) Cho hai hinh chép tam giac déu ¢ cing chiéu cao. Biét dinh cia
hinh chép nay tring véi tim ciia day hinh chop kia, mdi canh bén ciia hinh chép nay déu cit mot
canh bén cuia hinh chép kia. Canh bén c6 do dai béng a cua hinh choép thtr nhét tao véi duong cao
mot goc 30°, canh bén ciia hinh chop thi hai tao véi duong cao mot goc 45°. Tinh thé tich phan
chung cua hai hinh chop da cho?

3(2-43)’ (2-43)a’ 9(2-3)a’
A ————. B.———. c.——————. _ .
64 32 64 64

Chon C

C
Hai hinh chép 4.BCD va A'.B'C'D’ 1a hai hinh chop déu, co chung duong cao A4', A4 1a tim
cua tam giac B'C'D' va A' la tdm cua tam giac BCD.
Ta co: (BCD)//(B'C'D'); AB=AC=AD=a; BAA = a ; AA'B' =p.
Do AB cit A'B' tai M nén AB'// A'B.
Goi N la giao diém cia AC va A'C’; P la giao diém cia 4D va A'D'.
Tuong tutacd: AC'// A'C, AD'/l A'D.

Tur d6 suy ra cac canh cia ABCD va AB'C'D' song song véi nhau tung doi mot.
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Cau 41.

TAI LIEU ON THI THPTQG 2021

MB_AB
MA AB'
Ta co: KZAC :@:N_C = MN// BC.
NA AC’ MA NA
AB'= AC';A'B=AC

Tuong ty ta co: NP// CD va MP// BD .
Suy ra: AMNP 1a tam giac déu. Goi H 1a giao diém ciia 00’ va (MNP) , H 1a tam cua tam giac
MNP .
Trong tam gidc AA'D ¢6: A4'= AD.cosa =a.cosa (1).
bat x = MH . Hai tam giac AHM vatam giac A'"HM vudng tai H cho:
AH = MH .cota = x.cota ,
= AA'=x(cota +cot B) (2).
A'H = MH .cot f = x.cot

Tu (1) va (2) suy ra: a.cosa:x(cota+cotﬂ)<:>x:%.

Tam gidc MNP déu c6 canh MN = xv/3 nén:
s MN*\3 33> 33 d*cos’a
o 4 4 4 '(cota+cotﬂ)2

Phan chung ctia hai hinh chép 4.BCD va A'.B'C'D' 1a hai hinh chép dinh 4 va A’ c6 chung
nhau mit d4y 1a tam giac MNP . Do d6 thé tich ctia n6 la:

3 3
V=l S (AH+ AH) =L, aa = GN3e0s @
3 3 4(cota +cot )

94" 9(2-3)a’
Véi o =30° va f=45°thi V = == .

32(v3+1) 64
(Lwong Thé Vinh - Ha Ngi - 2020) Cho hinh chop S.ABCD c¢6 didy ABCD 1a hinh binh hanh
c6 dién tich bang 124 ; khoang cach tir S t&i mat phang (ABCD) bang 4a. Goi L 1a trong tim

tam giac ACD ; goi T va V lan luot 14 trung diém cac canh SB va SC. Mit phang (LT V) chia
hinh chép thanh hai khéi da dién, hay tinh thé tich ctia khdi da dién chira dinh S .

3 3 3
A 20 B. 84°. c B p. 324
3 3 3
Loi giai
Chon C
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1
V=V 312612.4(1216a3.

S.4ABCD

Mit phang (LTV') cat AB,CD ¢ M va N sao cho MN//BC//TV .

o ’
bat V' = VSAADNMTV = VSAABMN + VSATVMN

Taco: Vs o :%V

Xét khdi chop S.MNCB c6 day 1a hinh binh hanh :

azSﬂ 1; b—SN I;c= SB—2 d—SC—2
SM SN ST SV
Khido Lsmn _@tbrerd 3 2,3 1,
Vs svse 4abcd 8 ‘ 3 8 4
Do d6 V':lV+lV:lV :l.16a3 :§a3.
3 4 12 12 3

Ciu 42. (Thanh Chwong 1 - Nghé An - 2020) Cho hinh chép ti giac déu S.4BCD c6 thé tich bang 1.
Goi M la trung diém ciia S4 va N la diém dbi xtmg cta cia 4 qua D . Mit phiang (BMN) chia
khoi choép thanh hai khdi da dién. Goi (H) 1a khéi da dién c6 chira dinh. Thé tich cua khoi da
dién (H) bang

A.l. B.i. C.i. D.é.
- 12 7 12 7
Chon A

Goi O 1a tam cta hinh vudéng ABCD ta c¢6 SO 1a chiéu cao ctia hinh chép.
Trong mit phing (SAD) goi I 1a giao diém ciia MN va SD tasuyra / 1a trong tim ctia tam

giac SAN do do SL_ N z
SD NM 3
Trong mit phang (ABCD) goi J 1a giao diém ctia BN va CD tasuyra J la trung diém cia

CD va BN .
Taco S, v =S, 5cp VA d(M,(ABCD))z%SO suyra V, . =%VSAABCD )

-V

T gia thiét ta c6 V,,,, =V, o oot - (2)

S.ABCD
Xét trong khdi choép N.ABM ap dung cong thirc tinh ty s thé tich ta c6
Viow _ NI ND NJ 1 1 5 5

VNABM B NM NA NB 6 VNDJI ZEVNABM do Vﬁy VABM DJI :gVNABM :gVMABN (3)

Tir (1), (2) va (3) ta c6 thé tich ciia (H) 1a
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51 7
V(H) =V ascp _E‘EVSAABCD = E

Viy thé tich ctia khdi da dién (H) bang %

Ciu 43. (Tién Lang - Hai Phong - 2020) Cho tir dién ABCD c6 thé tich V. Goi M,N,P,0Q,R lan luot
la trung diém cua cac canh AB, AD, AC,DC,BD va G la trong tam tam giac ABC (nhu hinh v§).
Tinh thé tich khéi da dién 16i MNPQORG theo V .

(SEIN

Loi giai
Chon C

Ta 0 Vynpore =Veupor T Vi sror

1 2
VGMPQR = g VB.MPQR = E VBAPQR

2 21

VPABQR - 55 v

A.BOR

VN.MPQR = 2VN.MPR = 2‘VP4MNR

1

1
= 2-5 VCAMNR = ZVCAABD
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Cau 44.

(Tran Phii - Quéng Ninh - 2020) Cho ling tru ABC.4'B'C’ c¢6 thé tich bang 6. Goi M ,N va P

1a cac diém ndm trén canh A'B’, B'C'va BC sao cho M la trung diém cua A'B', B'N = %B'C’ va

BP = iBC. DPuong thing NP cit duong thing BB’ tai E va dudng thang EM cat dudng thing

AB tai Q. Thé tich cua khdi da dién 16i AQPCA'MNC' bang

A.é. B.é. C.ﬁ. D.Q.
3 6 - 12 6
Loi giai
Chon C

. EB EQ EP BP 1
Tac) —=—==—"—=——=—_,
EB" EM EN BN 3

Suyra d(E,(A'B'C'))= %d (B.(4B'C")).

Syuv BN BM 3

Ma ta lai ¢ =— =
e BC BA 8
. 1 , 3 9
VaVy gy ==d (E,(MB N))'SMB’N =—Vipcage =7+
3 16 8
e 3
Talai c6 =22 = EQ ) EP. EB, =(EBJ =L.
e EM EN EB EB 27
26
Suy ra VBQP‘B’MN =Vivmy — VEBQP = E E.MB'N *
A 26 9 59
Vay Vsorcanave: =Vasc.ane —Vaopsun = _Eg = E
HET
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Chuyén dé 15 BAI TOAN CU’C TRI THE TiCH KHOI A DIEN

Cau 1.

Cau 2.

Cau 3.

Cau 4.

DANG TOAN DANH CHO POI TUQNG HQC SINH GIOI MUC 9-10 PIEM

(M3 102 2018) Ong A du dinh sir dung hét 6,7m* kinh dé lam mot bé ca béng kinh c6 dang hinh
hop chit nhat khong nap, chiéu dai gap do6i chiéu rong (cac méi ghép co kich thude khong dang
ké). Bé cé4 cb dung tich 16n nhét bﬁng bao nhiéu (két qua lam tron dén hang phﬁn tram).

A. 1,23m’ B. 2,48m’ C. 1,57m’ D. I,11m’

(M4 104 2018) Ong A du dinh sir dung hét 5,5 m* kinh dé lam mot bé ca c6 dang hinh hop chit
nhat khong nép, chiéu dai gap doi chiéu rong (cac mbi ghép cé kich thudc khong déng ké). Bé ca
¢6 dung tich 16n nhét béng bao nhiéu (két qua lam tron dén hang phén tram)?:

A. 1,40 m’ B. 1,01 m* C. 1,51 m’ D. 1,17 m’

(THPT L& Quy Pén Pién Bién 2019) Ngudi ta can xdy dung mot bé boi ¢ dang hinh hop chi
nhat c¢6 thé tich 1a 125m>. Day bé boi 1a hinh chir nhat c6 chiéu dai gap ba lan chiéu rong. Tinh
chiéu rong cta day bé boi dé khi thi cong tiét kiém nguyén vat liéu nhat (két qua 1am tron dén hai
chit sb thap phan)?

A. 3,12m B. 3,82m C. 3,62m D3,42m
(THPT Cam Giang 2 2019) Nguoi ta mudn thiét k& mot bé ca bang kinh khong c6 nip véi thé

tich 72dm’, chiéu cao 1a 3dm. Mot vach ngin (cing bang kinh) & giita, chia bé ca thanh hai ngan, véi cac

kich thudc a,b (don vi dm) nhu hinh v&. Tinh a,b d& bé ca ton it nguyén liéu nhat (tinh ca tim kinh &

giita), coi bé day cac tam kinh nhu nhau va khong anh hudng dén thé tich cta bé.

Cau 5.

Cau 6.

adm

3dm

A.azx/ﬁdm;bzx/ﬁdm. B. a=6dm; b=4dm.
C.a=3V2dm; b=4/2dm. D. a=4dm; b=6dm.

(M 110 2017) Xét khéi tir dién ABCD ¢6 canh AB = x v céc canh con lai déu bing 2+/3 . Tim
x dé thé tich khoi tr dién 4BCD dat gia tri 16n nhét.

A. x=+14 B. x=3/2 C. x=+6 D. x=243

(Sé Vinh Phiic 2019) Xét khdi chop S.ABC c6 day 1a tam giac vudng can tai 4, SA vudng goc
v6i miat phang day, khoang cach tir 4 dén mit phang (SBC ) bang 3. Goi « 1a goc giita hai mat
phang (SBC) va (ABC), gié tri cosa khi thé tich khéi chép S.ABC nho nhat 1a

A.ﬁ. B.g. C.ﬁ. D.ﬁ.
2 3 3 3

(Chuyén Lé Thanh Téng 2019) Cho hinh hop chir nhat ABCD.A'B'C'D" ¢6 AB=x, AD=1.
Biét rang goc giita duong thing A'C va mit phing (ABB'A") bang 30°. Tim gia tri 16n nhat ¥,
ctia thé tich khdi hop ABCD.A'B'C'D’ .

AV —ﬁ. —\/g D.V =%.

1
max * Umax T 4 . * " max _E max
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

(THPT Quynh Luu 3 Nghé¢ An 2019) Nhan ngay qudc té Phu nit 8 — 3 nim 2019. Ong A di
mua ting vo mot mon qua va dit no trong mot chiée hop chir nhat cé thé tich 1a 32 (dvtt) co day la
hinh vudng va khong nip. Dé moén qua tré nén dic biét va xing tam vai gia tri ciia nd, dng quyét
dinh ma vang chiéc hdp, biét rﬁng dd day cua 16p ma trén moi diém cua chiéc hop 1a khong ddi va
nhu nhau. Goi chiéu cao va canh day cua chiéc hép lan lugt 1a h va x. Dé lugng vang trén hop 1a
nho nhat thi gia tri cua 4 va x 1a?

NE)

A . h=2,x=4. B.h=7,x=4. C.h=2,x=1. D. h=4,x=2.

(THPT Lé Vian Thinh Bic Ninh 2019) Xét tr dién 4BCD ¢4 cac  canh
AB=BC=CD=DA=1 vy AC BD thay d6i. Gi4 tri 16n nhét cta thé tich khoi ta dign 4BCD
bﬁng
A 2B B A3 c. 2B p. A3

27 27 9 9
(Chuyén Vinh Phiic 2019) Cho hinh chép SABC c6 SA=x,SB=y,AB=AC=SB=SC=1.
Thé tich khdi chép SABC dat gia tri 16n nhét khi téng x + y bang
A2 B.\3 c. L D. 43

N N

(THPT Minh Chau Hung Yén 2019) Cho hinh hop chit nhat ABCD.A'B'C'D' c6 tong dién
tich tat ca cac mat 1a 36, do dai duong chéo AC' bang 6. Hoi thé tich ctia khdi hop 16n nhat 1a bao
nhiéu?

A. 82 B. 66 C. 243 D. 16v2

(Chuyén Bic Ninh 2019) Cho hinh chép S.4BCD c¢6 SC = x (o <x<a\3 ) céc canh con lai

axm

n

déu bang « . Biét ring thé tich khdi chép S.ABCD 16n nhit khi va chi khi x =

(m,neN*).

Ménh dé nao sau ddy dung?
A. m+2n=10. B. m*—n=30. C. 2n* -3m<15. D. 4m—n*=-20.
(Chuyén Ha Long 2019) Cho tr dién ABCD c6 AB=x, CD =y, tit ca cac canh con lai bang
2 . Khi thé tich tir dién 4BCD 1a 16n nhat tinh xy .
A2 B2 c.l® D. L.

3 3 3 3
(THPT Quang Trung Péng Pa Ha Ngi 2019) Cho hinh chép S.ABCD c6 day ABCD 1a hinh

binh hanh va c6 thé tich V. Piém P 1a trung diém cua SC, mot mat phang qua AP cat hai canh

SD va SB lan luot tai M va N . Goi ¥ 1a thé tich khéi chop S.AMPN . Gia tri 16n nhét cia %
thugc khoang nao sau day?

e el el el

(THPT Quang Trung Pong Pa Ha Noi 2019) Trong mét cudc thi 1am d6 dung hoc tap do
truong phat dong, ban An nho b 1am mot hinh chép tir giac déu bang cach 1dy mot méanh t6n hinh
vudbng ABCD c6 canh bang 5¢m (tham khao hinh v&).
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

TAI LIEU ON THI THPTQG 2021
A D

B C
Cit manh ton theo cac tam giac can AEB, BFC, CGD, DHA va sau d6 go cac tam giac AEH ,
BEF, CFG, DGH sao cho bén dinh 4, B, C, D trung nhau tao thanh khéi chop tr giac déu.
Thé tich 16n nhat caa khoi chop tir gidc déu tao thanh bang
N p, A0 c. 0 p, B10.
3 5 3 5
Cho khéi lap phuong ABCD.A'B'C'D'canh a. Cac diém M,Nlan luogt di dong trén cac tia

AC,B'D' sao cho AM + B'N = a~/2 .Thé tich khéi t dién AMNB' ¢6 gia tri 16n nhét 1a

3 3 3
AL B. & C."‘6 D.aﬁ
12 6 6 12

(Sé Bic Ninh 2019) Cho tir dién SABC c¢6 G 1a trong tim tir dién, mit phang quay quanh AG

3

’, A . .y . 9 A 5 ) A V \
cat cac canh SB,SC lan luot tai M, N . Gia tri nhé nhat cua ti so —=22 139
S.ABC

AL B.2. c.l. p. L.
9 8 3 2
(Chuyén Bién Hoa - Ha Nam - 2020) Cho hinh chép S.ABCD c¢6 dady ABCD 1a hinh binh
hanh. Hai diém M, N lan luogt thudc cac doan théng AB va AD (M va N khong trung véi A )
AB AD

[ . ’ [N V A \ R L7 5 , A , .AB D \
sao cho Z—A " +3 N 8. Ki hiéu V', V| lan luot 1a the tich ctua cac khoi chop S.ABCD va

S.MBCDN . Tim gi4 tri 16n nhat cua ti s6 %

13 11 1 2
A'E' B'E' C.g. D.g.
(Chuyén PH Vinh - Nghé An -2020) Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh
va co thé tich1a V. Goi P la trung diém cua SC . Mit phiang (a) chira AP va cit hai canh SD,

SB lan lugt tai M va N.Goi V' 1a thé tich ctia khdi chop S.AMPN . Tim gia tri nho nhét cua ti

!

sO —.
4

A.E. B.l. C.z. D.l.
8 3 3 8

(Chuyén KHTN - 2020) Cho khéi lang try ding ABC.A'B'C’ ¢6 ddy ABC 1a tam giac vudng
can tai C, AB=2a va gbc tao bdi hai mat phang (ABC') va (ABC) bang 60°. Goi M,N lan

luot 1a trung diém cua A'C’ va BC. Mit phang (AMN) chia khéi ling tru thanh hai phan. Thé

tich ctia phan nho bang

3 3 3 3
A. T:3a . B. Joa . C. 7/6a . D. a .
24 6 24 3
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

(Chuyén Phan Bi Chau - Nghé An - 2020) Cho m6t tim nhom hinh vudng canh 12 cm. Nguoi

ta cat & bon goc cta tim nhom dé bon hinh vudng bang nhau, mdi hinh vudng c¢é canh bang
x (cm), roi gap tAm nhom lai dé dwoc mot cai hop khong nap( tham khao hinh vé& bén). Tim x dé
hop nhan duge co thé tich 16n nhat (gia thiét bé day tdm ton khong dang ké).

A x=2. B. x=3. C.x=4. D. x=6
(Chuyén Phan Bdi Chau - Nghé An - 2020) Cho hinh chép S.ABC c6 thé tich bang 1. Mit
phang (Q) thay doi song song véi miat phiang (4BC) lan lugt cit cac canh SA4, SB, SC tai M, N, P.
Qua M, N, P ké cac dudng thing song song voi nhau lan lugt cit mit phang (4BC) tai M*, N°, P’.
Tinh gia tri 16n nhat cta thé tich khéi lang tru MNP.M N’ P’
NEY bl ¢l S

9 3 2 27
(Chuyén Vinh Phic - 2020) Cho hinh vuéng 4BCD canh a . Trén dudng thang vuéng goc voi
(ABCD) tai A lay diém S di dong khong tring v6i A4 . Hinh chiéu vudng goc cia 4 1én SB,SD

lan luot tai #, K. Tim gia tri 10n nhat cta thé tich khéi tir dién ACHK .

3 3 3 3
‘“/g. B. L. C.‘“/g. D."ﬁ.
32 6 16 12

(Sé Hung Yén - 2020) Khdi chép co day 1a hinh binh hanh, mét canh day bang a va cac canh

bén déu bang a~2 . Thé tich cita khdi chop co gia tri 16n nhat 1a

2 3
A. 2J6a. B. 84°. C. i D. 71‘; .
(Kim Lién - Ha Néi - 2020) Cho khéi tir dlen ABCD c¢6 canh AC, BD thoéa man
AC* + BD* =16 va cac canh con lai déu bang 6 . Thé tich khdi tr dién ABCD dat gié tri 1on nhét
bang
A 32\/_ B 16\/_ c 1643 . D. 32[

3 3 3 3

(Lién trwong Nghé An - 2020) Cho hinh chop S.4BC, day la tam gidc ABC c6 AB = BC/5 ,
AC =2BCV2, hinh chiéu cia S 1én (4BC) la trung diém O cua canh AC . Khoang cach tir 4

dén (SBC ) bang 2 . Mit phing (SBC ) hop voi mat phang (ABC ) mot goc a thay dbi. Biét rang

gi4 tri nho nhét cua thé tich khdi chop S.4ABC bing %, trong d6 a,heN", a 1a sb nguyén t6.

Téng a +b bang

A. 8. B. 7. C.6. D. 5.

(Ly Nhan Téng - Bic Ninh - 2020) Xét khdi chop S.4BC ¢ day 1a tam gidc vudng can tai A4,
SA4 vudng goc vé6i day, khoang cach tir 4 dén mat phang (SBC ) bang 3. Goi a la goc giita hai

mit phiang (SBC) va (A4BC), tinh cosar dé thé tich khoi chép S.ABC nho nhat.
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Cau 28.

Cau 29.

Cau 30.

TAI LIEU ON THI THPTQG 2021

3 2 1 2
A. cosa =—. B. cosa=—. C. cosa =—. D. cosa =—.
3 3 3 2

(Yén Lac 2 - Vinh Phitic - 2020) Cho hinh chop S.ABCD c6 day ABCD 1a hinh vuéng canh a,
canh bén S4=y (»>0) va vudng géc v6i mit ddy (ABCD). Trén canh AD lay diem M va

dit AM =x (0<x<a). Tinh thé tich 16n nhat ¥, cta khéi chép S.ABCM ,biét x* + ) =a’.

max

3 3 3 3
A.“*/g. B.“*/g. C.“*/g. D.“*/g.

9 3 8 5
(Kim Thanh - Hai Dwong - 2020) Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh.
Goi K 1a trung diém SC . Mat phéng chita AK cit cic canh SB, SD lan luot tai M va N . Goi

V., V theo thtr tu 1a thé tich khdi chép S.AMKN va khdi chop S.ABCD . Gié tri nho nhét cia ti

s D.Z.

3 3
(Chuyén Lé Hong Phong - Nam Pinh - 2020) Cho ling tru tam giac déu 4BC.A'B'C’ c¢6 do dai
canh ddy bang a. Goi ¢ 1a goc giita BC' va mit phang (A'BC ) Khi sing dat gia tri 16n nhit,

tinh thé tich khéi lang tru da cho?

A. E B. C
8

N | —

4 Yod’ B, W3 c. 2d’ p. Y274°
TR TR v R
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Chuyén dé 15 BAI TOAN CU’C TRI THE TiCH KHOI A DIEN

Caul.

Cau 2.

Cau 3.

DANG TOAN DANH CHO POI TUQNG HQC SINH GIOI MUC 9-10 PIEM

(M 102 2018) Ong A dy dinh sir dung hét 6,7m’ kinh dé 1am mot bé ca bang kinh c6 dang hinh
hop chit nhat khong nép, chiéu dai gép do6i chiéu rong (cac mbi ghép co kich thuée khong dang
ké). Bé ca c6 dung tich 16n nhit bang bao nhiéu (két qua lam tron dén hang phan tram).

A. 1,23m’ B. 2,48m’ C.1,57m’ D. 1,11m’
Loi giai
Chon C
Goi x 1a chiéu rong, ta co chiéu dai 1a 2x
_ 2
Do dién tich day va cac mit bén 1a 6,7m’ nén co chiéu cao /= 6’76—2)6 ,
X
6,7
taco h>0nén x<,[—.
o oy —6x? 6,7
Thé tich bé ca 1a ¥ (x)= 27572 o () =87 _g o v [
3 3 6
Bang bién thién
x |0 6,7 6,7
6 2
V' + 0 —

Bé ca c6 dung tich 16n nhat bang 1,57m’ .

(Mai 104 2018) Ong A du dinh sir dung hét 5,5 m”® kinh dé lam mot bé ca c6 dang hinh hop chit
nhat khong nép, chiéu dai gip d6i chiéu rong (cac mdi ghép cé kich thude khong dang ké). Bé ca
c6 dung tich 16n nhat bang bao nhiéu (két qua lam tron dén hang phan tram)?:

A. 1,40 m’ B. 1,01 m’ C.1,51m’ D. 1,17 m’
Loi giai

Chon D

Goi x,2x,h lan luot 1a chiéu rong, dai, cao cua bé ca.

—_— 2 \
Ta c6 22" +2(xh+2xh) =5,5 ©h=—5’56 %X (Diéu kien o<x<,/5’25 )
X

_ 2
Thé tich bé ¢ ¥ = 2x2, 20— 2% =%(5,5x—2x3).

6x

V/:%(5,5—6x2).V’=0:>x= %.

LapBBTsuyra V_ = 115\{4373

max

~1,17 m’.

(THPT L& Quy Pén Dién Bién 2019) Ngudi ta can xdy dung mot bé boi c6 dang hinh hop chir
nhat c¢6 thé tich 1a 125m>. Day bé boi 1a hinh chir nhét c6 chiéu dai gép ba lan chiéu rong. Tinh
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chiéu rong cua day bé boi d€ khi thi cong tiét ki€ém nguyén vat li€u nhat (két qua lam tron dén hai

chir s6 thap phan)?
A. 3,12m B. 3,82m C. 3,62m D3,42m
Loi giai
Chon B
Goi chiéu rong hinh hop 13 a suy ra chiéu dai 1a 3a, chiéu cao 1a A
V=a3ah=3a’h=>h=—r 14 g
3> 3a
Dién tich thi
congS, =a.3a+2(ah)+2(3a.h)=3a’ +2ah+6ah =3a" +2a. 12—5+ 6a 12§ 302 + 1000
' 3a* 3a 3a

Ap dung BDT Cosi ta ¢6 3a> +—— 1000 =3a’ +ﬂ 500 > 3\/3 2 500 500 \/750000

a 3a  3a 3a  3a 9
Dién tich thi cong nhé nhat khi 3a° 5300 5300 <94° =500 500 ~ 3,82

a a

Ghi chii: Chung ta c6 thé dung Phuong phap ham sb dé tim min cia bai toan.

Ciau4. (THPT Cam Giang 2 2019) Nguoi ta mudn thiét ké mot bé ca bang kinh khong co nap véi thé
tich 72dm’, chiéu cao 1a 3dm. Mot vach ngan (cling bang kinh) & giita, chia bé c4 thanh hai
ngan, vdi cac kich thude a,b (don vi dm) nhu hinh v€. Tinh a,b dé bé ca ton it nguyén liéu nhét

(tinh ca tim kinh & giira), coi bé day cac tim kinh nhu nhau va khéng anh hudng dén thé tich cua

bé.
3dm
\ /
adm
A. a=+24dm; b=24dm. B. a=6dm; b=4dm.
C.a=3/2dm; b=4/2dm. D. a=4dm; b=6dm.
Loi giai
X . W 1A 3 72 24 .
Thé tich cua bé ca: V' =3ab=72dm <:>b=3—=—,V0'1 a,b>0.
a a

Dién tich kinh dé lam bé c4 nhu hinh v&:

S=3.3a+2.3b+ab=9a+6.§+a.E =9a+ ﬁ+24>2‘/9a E+24 S>96
a a a a

S=96®9a=ﬂ©a=43b=6.
a

Viy dé bé ca ton it nguyén liéu nhat thi ¢ =4dm; b=6dm.

Caus5.  (Ma 110 2017) Xét khdi t dién ABCD c6 canh AB = x v cac canh con lai déu bing 2+/3 . Tim
x dé thé tich khéi tir dién ABCD dat gia tri 16n nht.
A. x=414 B. x=32 C.x=x/€ D.x:2«/§
Loi giai

Chon B
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Goi M, N lan luot la trung diém cua CD va AB.
- CD 1 MB CD 1L MN
0 .
CD 1 MA CD 1 AB

Tam giac MAB cantai M nén MN L AB.

Visen = éAB.CD.d (4B,CD).sin( AB,CD) = %x.zﬁ MN 5in 90°

}:CDJ_(MAB):{

2 X +(36—x7
Lo 32—(1j =£x.\/36—x2 sﬁ. g =33.
6 2 6 6 2
Dau "=" xdyra < x=+/36—-x" ox=32.

Cau 6.  (S& Vinh Phiic 2019) Xét khdi chop S.ABC c6 day 1a tam giac vudng can tai A, SA vudng goc
v6i mit phang day, khoang cach tir 4 dén mit phing (SBC) bang 3. Goi « la goc gitra hai mt

phang (SBC) va (ABC), gié tri cosa khi thé tich khdi chép S.ABC nho nhat 1a

A2 B2 c ¥ p. Y6,
2 3 3 3
Loi giai
s
1L \7 .

&

B

Dit SA=h,AB=AC=a.Taco
1 1 1 1

1 [ B RIS N

1 2
= + + o — > =ahz6.
AH* SA* AB* AC* 9 4* & W a*h?

d(4;(SBC))=AH =3;

(SBC).(4BC))= S =a.
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Cau 8.

Ve ipe = éazh >1. Thé tich nho nhat bang 1 khi a=h=> SM = a\g

AM a2 2 B
= cosa = = =—.
SM 2 a3 3
(Chuyén L& Thanh Téng 2019) Cho hinh hop chit nhit ABCD.A'B'C'D' ¢6 AB=x, AD=1.
Biét ring géc giita dudng thang A'C va mit phing (ABB'A’) bang 30°. Tim gié tri 16n nhét 7,
ctia thé tich khdi hop ABCD.A'B'C'D'" .

_3W3 3 _1
2 =2 3

AV, =

=}
~

|
e
~

|
IS
~

|
N | W

max ~

a »

_ BC L BB’
(0]
BC 1 AB

(ABB'A') = gbc gitta duomg thing 4'C va mat phing (ABB'A’) 1a géc (A'B,A'C)=BA'C (vi

Tac } = CB L (ABB'A") = A'B la hinh chiéu vudng goc ciia A'C trén mit phang

BA'C nhon do ABA'C vudng tai B). Vay BA'C =30°.
BC L B ad=JaB a8 =\3-x .

Taco A'B= =
tan B4'C  tan30°
X’ +(3-x7
Viscoaner = AB.AD.AA" = xNJ3—x* < % = %
Diu = xdyra < x=+3-x> x> =3-x’ =x=\/§ (vix>0).
3
Vay vV, =—.
'y max 2

(THPT Quynh Luu 3 Nghé An 2019) Nhan ngay qudc té Phu nit 8 — 3 nam 2019. Ong A da
mua ting vo mot mon qua va dit né trong mot chiée hop chir nhat 6 thé tich 1a 32 (dvtt) co day la
hinh vudng va khong nip. Dé moén qua tré nén dic biét va xing tam vai gia tri ciia nd, dng quyét
dinh ma vang chiéce hop, biét rﬁng dd day cua 16p ma trén moi diém cua chiéc hop 1a khong ddi va
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nhu nhau. Goi chiéu cao va canh day cta chiéc hop lan lugt 1a 2 va x. Bé lugng vang trén hop 1a
nho nhit thi gia tri cua & va x 1a?

A . h=2,x=4. B.h=§,x=4. C.h=2,x=1. D. h=4,x=2.
Loi giai
Ta c6 thé tich chiéc hop: ¥ = x*h =32 (dvtt), véi x,h>0. Suy ra h:%
X

Phén ma vang cta chiéc hop: S =2x* +8xh =2x"+ Sx.% =2x +§.
X X

Cach 1

Ta ¢ 2x° +@ =2x" +ﬁ+ﬁ > ?>‘3f2x2.ﬁ.E =96 (BT AM-GM).
X X X X x

Pang thirc xay ra khi 22 =128 hay x=4,khido h=2.

x
Cach 2.
Xét ham s6 f(x)=2x2+@ voi x>0.
x
3
Ta c6 f'(x):4x—2526:4)C _2256, f1(x)=0c4x’ -256 <> x=4; [ (4)=96.
x x
BBT
x
/(%)
f(x)

Duya vao BBT ta thiy ham s6 dat GTNN tai x =4, khido h=2.

Vay phuong an A dung.

(THPT L& Vian Thinh Bic Ninh 2019) Xét to dién 4BCD ¢4 cac  canh
AB=BC=CD=DA=1 vy AC | Bp thay di. Gi tri 16n nhét cia thé tich khéi tir dién 4BCD
bang

A 23 p. B3
27 9
Chon A
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Goi M, N lan luot 1a trung diém cia BD, AC.Pat BD=2x, AC = 2y (x,y >0).

Tacé CM L BD,AM 1 BD = BD 1 (AMC).

Taco MA=MC=+1-x*, MN =\1-x*-y*, S . :%MN.AC:%y.«/I—xQ—yQ :
2, 2 2 2}
1 2 (X +y +1-x"—y
Visen :5_ Sime = 2xJ’\/1 x’— \/xz.yz.(l—x2—y2) S—\/( )

3 27

=V gep < 22\/75 Dau déng thirc xay ra khi x = y= \/15

243

Vay gia trj 10n nhat cta thé tich khéi t&r dién ABCD 1a 7

Ciu 10. (Chuyén Vinh Phic 2019) Cho hinh chép S4BC c¢6 SA=x,SB=y,AB=AC=SB=SC=1.
Thé tich khdi chop SABC dat gia tri 16n nhét khi téng x+y bang

2 4

A. 5 B. \3 C. 5 D. 43
Loi giai

Chon C
s

Goi M,N lan luot la trung diém cua S4,BC va dit 2a =x,2b = .
BC L AN,BC L SN = BC 1 (SAN)

1
Vase =Vasay +Vesan = 2Vasay = 5 BC.Sg,y

AB*+A4C*  BC*
2 4

1
= Se = ESA.NM =avl-a’ - b’
2 2 2712 2 2 4 a2+b2+1_a2_b2 ’
Veise = 2ab\/1 a-b =V, = 9.4arb .(l—a -b )Sa

3

AN? = =1-b>= MN?* = AN* —=MA* =1-b* - d*

4

= VZSABC < 743

Trang 6 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
4
=>X+y=—f4F

2
3 3 V3

(THPT Minh Chiu Hung Yén 2019) Cho hinh hop chit nhat ABCD.A'B'C'D' c6 tong dién
tich tat ca cac mat 1a 36, do dai duong chéo AC"' bang 6. Hoi thé tich ctia khdi hop 16n nhat 1 bao
nhiéu?

A 82 B. 63/6 C. 243 D. 1642

Loi giai

Daubiang xayra < a’ =b>=1-a*—b* < a=b=

Chon A
+) Goi do dai AB=a,AD=b va AA'=c

Ta c6 tong dién tich tit ca cac mit 12 36 nén 2ab+2bc +2ca =36 <> ab+bc+ca=18 (1)
Do d6 dai dudng chéo AC' bang 6 nén @ +b° +c* =36 (2)

+) Thé tich khoi hop 1a V = abc

Ta co (a+b+c)2=a2+b2+c2+2(ab+bc+ca)=72<:>a+b+c=6\/§

Tir (1) < ab=18—c(a+b)=18—c(652 ¢} =" ~62c+18

Nén V =abc=¢’ —6\/502 +18c=f(c), CG(O;6\/§)

=3v2

Ta cd f'(c) =3¢ —1242c+18=0 c=32

Lap bang bién thién ta dugc MaxV = f (\/5) =82
o)

(Chuyén Bic Ninh 2019) Cho hinh chop S.4ABCD c6 SC=x (0 <x< a\/g), cac canh con lai

déu bing a. Biét ring thé tich khéi chop S.ABCD 16n nhét khi va chi khi x=""" (m,neN’).
n

Ménh d nao sau ddy dung?

A. m+2n=10. B. m’-n=30. C.2n° -3m<15. D. 4m—n* =-20.

Loi giai

1 Goi I latrung diém SC, O=ACNBD.

DI 1 SC

Ma ABCD la hinh thoi nén BD 1 AC
Khi d6, BD L (S4C).

BI L SC
Ta co = BD 1 SC

O VSAABCD = ZVSAABC = 2VBASAC'

2 2
7 AO? = AB*~BO* = AB* ~(BI* —OI*) = AB* ~(SB* ~SI’)+0I’ =~ +a
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= AC* =440 =x* +a’> = SA’ + SC* = ASAC vudngtai S .

2 2
1) BO=~AB* - 40? =—“3"2_x.

/ 2 2 2 2
:>VSABCD:2VBSAC:2'lBO'lSA'SC =1M.a.x=ax— V3ax-
‘ ‘ 32 3 2 6
3a° —x 2
[ Tacd xv3a” —x° \/ﬁ ):3‘21
6
= Vs asco S%-D&ml“—”xayra <X =3d"-x @x:i.
a6

Cau 13.

Vay, thé tich khdi chop S.ABCD 16n nhat khi va chi khi x = — =m= 6;n=2

=m+2n=10.

(Chuyén Ha Long 2019) Cho t&r dién ABCD c¢6 AB=x, CD =y, tit ca cac canh con lai bang
2 . Khi thé tich t&r dién 4BCD 1a 16n nhét tinh xy .
A2 B. 2. c D. 1.
3 3 3 3
Loi giai

A

c
Goi M, N lan luot 14 trung diém ctia AB,CD .
Tam giac ADB,CAB 1a hai tam giac can canh ddy 4B nén DM | AB va CM 1 AB . Suy ra
AB 1 (MCD).

1 1 X
S'BM‘SMCD +§‘AM‘SMCD = E‘SMCD .

Tam gidc AABC = AABD(c.c.c) nén CM =DM = MN 1 CD.

Visco = Ve +Vasep =

_1 _1 2 2_1 5 > 2 _1 x> yz
Suco =5 CDMN =2y MC* ~CN —Ey.\/(BC “BM?)-CN? =~y 42 2

1
:Z)/Jl6—()c2 +y2) .
[ 1
Viser = xy 16—(x" + )32\116_2?0/ ZE\/Xy.xy.(l6—2xy)

C
<12\/(xy+xy+§16 2xy)J :% (?T‘
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Cau 14.

Cau 15.

TAI LIEU ON THI THPTQG 2021
X=Yy
X =

Déu bang xay ra khi Y =3 16
xy=16—-2xy xy:?

, . 16
Vay thé tich ABCD dat gia tri 16n nhat khi xy = ? .

(THPT Quang Trung Péng Pa Ha Noi 2019) Cho hinh chép S.ABCD ¢6 day ABCD 13 hinh
binh hanh va c6 thé tich V. Piém P 1a trung diém cia SC, mot mit phiang qua AP cit hai canh

SD va SB lan luot tai M va N . Goi ¥/ 1a thé tich khdi chop S.AMPN . Gia tri 16n nhit cua %

o(t4)

thudc khoang nao sau day?

N

Loi giai

S

Goi O=ACNBD, G=APNSO, suy ra G 1a trong tam tam giac SAC.

Goi (P) 1a mat phang qua AP cit hai canh SD va SB lan luottai M va N
( ) (SBD) =MN

D@ thiy: {(P)N(SAC)=4P = MN, AP, SO ddng quyhay M, N, G thang hang.
(SBD)\(SAC) =SO

SM SN
bat: x=— (0<x<1l)va y=— (0< y<I).
o ) vi y="p (0<y<l)
5:1[ ] (&_&_£+&ﬂ£j:1(x+y),
Vo 2V e Ve asr SA SD SC SA SB SC) 4
Turty 16 Sasuy zi[sm SJQ&QL[&&&EJL[&QJ
i 2USa0 Sasso SD SB 2\ SD SO SB SO) 3\ SD SB

1 .
= Xy =§(x+y). Lai co: (x—l)(y—l)z 0:>xy—(x+y)+1 20.
<\ I3 2 3 A I/l , X N 3
Tur d6 suy ra: —g(x+y)+12 0 hay x+ySE. Vay 7 16m nhat bang 3"
(THPT Quang Trung Pong Pa Ha Noi 2019) Trong mét cudc thi 1am d6 dung hoc tap do

truong phat dong, ban An nho bd 1am mot hinh chép tir giac déu bang cach 1dy mot manh ton hinh
vudng ABCD c6 canh bang Scm (tham khao hinh v§).
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A D

B C
Cit manh t6n theo cac tam giac can AEB, BFC, CGD, DHA va sau d6 go cac tam giac AEH
BEF, CFG, DGH sao cho bén dinh A, B, C, D tring nhau tao thanh khdi chop tir giac déu.
Thé tich 16n nhat cta khdi chop tir gidc déu tao thanh bang
410 . o c 810 b, &0

A
- 3 5 3 5

B
Goi K 1atrung diém 4D, dat HK=x,O<x£§.

2
Ta co EFZFGZGH:HEz(g—xj\/E; HD = (gj +x2.

2
1 (5 Y I(5Y 5 VYV 2(5 Y
Tacod V=§. .(E—x] \/(5] +x2—(5— j :g.(i—xj \/§

2
:>V'=z —2(§—xj 5x+(§—xj > ,V'=0
30 2 2 2J5x

Bang bién thién

2 2
Suy ra SO =~SH? ~OH* = HD* - OH" :\/@ +x2—£§—xj .

| |
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el o 1 5

2 2

V' + 0 - 0
v 410

/'3\

Cau 16.

Cau 17.

4\/5 1

Dua véo bang bién thién, ta co V. :T khi x = 5

Cho khdi 1ap phuong ABCD.A'B'C'D’ canh a. Cac diém M, Nlan luot di dong trén cac tia
AC,B'D' sao cho AM + B'N = a~/2 .Thé tich khéi t dién AMNB' ¢6 gia tri 16n nhét 1a

3 3 3 3
AL B. L c. @ 3 p. ¢ V2
12 6 6 12
Loi giai
Chon A
4 %
i N,
D’ Z Ny
fz‘!ii/--------—--j ———————————————— B
M
D C
1
Taco Vg =§d(N,(AB’M)).SMB,M
\ e 3
Do ACE'D' I it dién déu nén sin(B'D’,(4B'M )= ? sin B/AM = %

Suyra Vg = %(B’N.sin(l?m)))%AB'.AM.sinm =%.AM.B’N

_a(AM+BNY _d&
6 2 12

3
a

Vay (Vg )max "1

(Sé Bic Ninh 2019) Cho tir dién SABC ¢6 G 1a trong tam tir dién, mat phang quay quanh AG

’ , by . .7 . 5 A 5 2 A V A
cat cac canh SB,SC lan luot tai M, N . Gia tri nho nhat cua ti so —22Y 139
S.4BC

c.1. D.
3

Loi giai

A.

O |

B.>.
8

N | —
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Goi E,F,G lan luot 14 trung diém BC,SA, EF suyra G la trong tim tt dién SABC. Piém I 1a
giao diém cua AG va SE.Qua [ dung duong théng cit cac canh SB,SC lan luot tai M, N . Suy
ra (AMN ) 1a mat phang quay quanh AG théa man yéu cau bai toan.
Ké GK // SE,(K € SA) suy ra K 13 trung diém FS .

KG AK 3 M3 KG 1 __SI 2

> —=—=— M —=—=>—=—.

ST AS 4 SE 2 SE 3
Cach 1:
Ké BP /| MN,CQ // MN ; (P,Q € SE).
.. SM SI SN SI
Tacd: —=—;—=—.

SB SP SC SQ

= ABEP = ACEQ = E la trung diém PQ = SP+SQ = 2SE (dting ca trong trudng hop

P=Q0=F).
Taco: Voawy _ 54 SM SN _ | SI ST MM S _SIT_ (ﬁj _4
Ve SA SBSC SP'SO  (sp+SQ) SE* \SE) 9
4
Dau "=" xay ra khi va chi khi SP=S0=SE.Hay P=Q=E < MN // BC.
Cach 2:
Ta chung minh dugc S—B+£ =3
SN

That vay, qua I ké cac dudng thing l1an lugt song song SB,SC cit SC,SB tuwong tmg tai D, L .
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Cau 18.

TAI LIEU ON THI THPTQG 2021

S8_DB_
Tacs: 1@ DI _SB 10 ., M @SB:3NI’(1)'
10 NI 10 SM NM SM NM

SM NM
sc_Lc_

Lai co: P U :E'Bz _ﬂ©£:3ﬂ’(2)‘
1P M IP SN MN SN MN
SN MN

Tu (1) va (2) ta co S_B E::’)(ﬂ_i_ﬂJ:

SN NM MN

SB SC

bat x=——;y=—_Suyra x+y=3.

VA Ve Y

Ta co: Vs =%.SM.S—N:LAM;M;ZZE_

Ve se SA SB SC  xy (x+y) 9
4

Dau "=" xay ra khi va chi khi x=y=%®MN//BC.

Cach 3:
Détﬁzx; E:y,Vc'Jri x>0, y>0.
SM SN

Taco 57=§S75=§(§§+SE)=§(xs‘zw“+y§ﬁ):§m"+§§ﬁ_

Do I, M, N thing hang nén §+§=1©x+y=3.

1 4
> =—.
9

1
Xy X+Yy.,
)

S.AMN

Vay Vo dat gia tri nho nhét bang g khi x=y,hay MN di qua [ va song song véi BC.
S.ABC
(Chuyén Bién Hoa - Ha Nam - 2020) Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh binh
hanh. Hai diém M , N lan lugt thudc cac doan thang AB va AD (M va N khong trang v6i A)
AD

sao cho 21;1—5”m =8. Ki hiéu ¥, ¥; lan luot 1a thé tich cta cac khdi chop S.4ABCD va

S.MBCDN . Tim gia tri 16n nhat cua ti s6 %

13 11 1
Az B. C.~. D.

W
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NGUYEN BAO VUONG - 0946798489

Cau 19.

Viws _ AD AB _ 2V, _, AD AB

Ta cé: . =042 AP
O Yy AN AM T Ve AN AM
aD AB
VvV _,4D 4B V-V __ 1 Vi_Z AN AM
CVRTFaN M T Ty T D 4B TV T, D 4B
AN AM AN AM
_AD __ 4B Vi x(8-3x)-1 1
Pat x =22 =222 8 3y (1<x<2).Khido L= “1+
CYSUN T Tam x(1<x<2). Khidd 3 ==—"m=5 5 3% —8x
1
Pt —1+ (1<x<2
3.1 f('x) 3x2_8x( X )
Ta co: f’(x)=—6x—_82:>f'(x):0<:>—6x—_82:0c>x=ﬂ:>f(i):£
(3x2—8x) (3x2—8x) 3 3 16

Bang bién thién ham s6 y = f(x)

. 1 3 2 +o

LGN 777 R 1/ /7

7 N
g Y

5
4

-

Dua vao bang bién thién ta duoc ham sb dat gia tri 16n nhét 1a % tai x = g .
. V13
Vay gid tri 16n nhat cua ti so — 1a —.
ay gia tri 1on nhat cia ti sO 7 a T
(Chuyén DH Vinh - Nghé An -2020) Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh
vacothétichla V. Goi P 1a trung diém cia SC . Mit phang (a) chita AP va cét hai canh SD,

SB lan lugt tai M va N .Goi V' 1a thé tich ctia khdi chop S.AMPN . Tim gia tri nho nhét cua ti

V!
SO —.
14
A2 B. L c.2. D. L
8 3 3 8
Loi gii
Chon B
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Cau 20.

TAI LIEU ON THI THPTQG 2021

Do (&) diqua 4, P, M, N nénbén diém nay dong phang.

. V.
Ap dung cong thirc samp _d*btetd Véiﬁza,gzc,S—D=d,S—B=b thoa man
Ve isep 4ab.cd SA SP SM SN
a+c=b+d.
Theodébéitacé:ﬁ=1,£=2védétS—D=d>0,S—B=b>O.
SA4 SP SM SN
Khido: =120 iy prd e brd =3,
V 4.1.2.bd
N V' 1+2+b+d V' 1+2+3 V' 3
Vaytacd: —=——7—- & —= o —=—.
V 4.1.2.bd Vo 42bd V. 4bd
- b+d)’ ' 4 1
Theobﬁtdéngthu’ccobén:bdsuzgaizisuyrazzizg.—z—.
4 bd 9 Vo 4bd 49 3

. 3
Dau “=" xdy ra b=d<:>b=d=§.
A ' , .7 . Py A M 1
Vay — c6 gia tri nho nhat bang —.
V 3
(Chuyén KHTN - 2020) Cho khéi lang tru dimg ABC.A'B'C' ¢6 day ABC la tam giac vudng
can tai C, AB=2a va goc tao boi hai mit phing (ABC") va (4BC) bang 60°. Goi M,N lan
luot 1a trung diém cua A'C’ va BC. Mit phang (AMN) chia khéi ling tru thanh hai phan. Thé

tich ctia phan nho bang

3 3 3 3
A. T3a . B. J6a . C. 7:/6a : D. V3a .
24 6 24 3
Loi giai
Chon A
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(8]
C’ - - £ B’
W A
~ \
b \"*\
* ~
5 \\'\\
-
AT ~.
\\ \ \\’
\\ x\
\ >
\\N =
C&=\H----- AR S —--=- =2 B
-““',..’ ‘\
Fd
P
- I

Goi I la trung diém AB, suy ra AB L (CIC') nén géc giita (C'4B) va (ABC) la goc (CLCT),
suy ra C'IC = 60°.

- P ~~_ 4B
Tam giac C'IC vuong tai C nén CC:CI-tanCIC:T-tan6O°:a\/§.

Dién tich tam gidc ABC 1a S, :%-AB-CI =a’.

Thé tich khéi lang tru1a ¥ =CC'-S . =a~3-a* =a*/3.
Trong (ACC'A'), kéo dai AM cat CC' tai O.

Suy ra C'M la duong trung binh ctia AOAC , do d6 OC =2CC' = 2a4/3.

7 5 1 11 1
Thé tich khbi chop ¥, ey =S .0y OC =228 e 20C' =2V

Thé tich khéi chép V,, ., =

1.1 7 7 LY
Do do V., =V, ion—Voony ==V ——V =—V =— g’ 3=
C'EM .CAN 0.ACN 0.C'ME 3 24 24 24 a 24

7x/§a3

24

Ciu 21. (Chuyén Phan Bji Chau - Nghé An - 2020) Cho mot tim nhom hinh vudng canh 12 cm. Ngudi
ta cit & boén goc cua tim nhém d6 bén hinh vudng bang nhau, mdi hinh vudéng co canh bang
x (cm), roi gap tAm nhom lai dé duoc mot cai hop khong nap( tham khao hinh vé bén). Tim x dé
hop nhan dugc co thé tich 16n nhat (gia thiét bé day tAm ton khong déng ké).

Vay phan thé tich nho hon 1a V., v =
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Cau 22.

TAI LIEU ON THI THPTQG 2021

A.x=2. B. x=3. C.x=4. D. x=6.
Loi giai
Chon A
Hinh hop c6 day cta 1a hinh vuéng canh bang 12— 2x, chidu cao bang x .
Diéukién 0<x<6 x
—2x

Thé tich khéi hop 1a ¥ =(12-2x)" . x=4(6—x)" x.

Ap dung bét ddng thirc Cauchy cho 3 s6 dwong {/(6—x)(6—x).2x < (6—x) +(§—x) tax

& (6-x)(6-x).2x<4 < 4(6-x) .x<24 <V <128 (hing s6).

Diu = xdyra < 6—x=2x <x=2.
Vay thé tich khbi hop 16n nhat khi x=2.

(Chuyén Phan Bdi Chau - Nghé An - 2020) Cho hinh chop S.ABC c6 thé tich bang 1. Mit
phing (Q) thay déi song song véi mit phing (4BC) lan lugt cit cac canh SA4, SB, SC tai M, N, P.
Qua M, N, P ké cac duong thing song song v&i nhau 1an luot cit mit phang (4BC) tai M, N°, P’.
Tinh gié tri 16n nhit cua thé tich khéi lang tru MNP.M NP’

A.f. B. L. c. L D. >
9 3 2 27
Loi giai
Chon A
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Goi —=x(0<x<1) :ﬂzng
SB SC
1 e
_ S _ENM .NP.smMNP_ NM NP,

. =X
Satse ;BA.BC.sinABC B4 BC

= Same = xz‘SAABC
Goi chiéu cao ciia hinh chop 1a SH , chiéu cao cua lang tru la MH':
= M=ﬂ=1—x = MH'=(1-x)SH
SH AS
= Vs pe = %SH.SAABC =1 SH.S, z-=3
= Vipsene =MH'S,,np =(1—x)SH.x2.SAABC =x2.(1—x).SH.SAABC =x2.(1—x).3

Xét ham sé: f(x) =3x"-3x" vdi x e (O;l)

x =0 (loai)
= f'(x)=6x-9x"= f'(x)=0c 2
3
Bang bién thién:
x |o 2
3
f(x) + 0 )
hd
1) / 9
A 4
Vay:maxV oy p ==
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Cau 23.

TAILIEU ON THI THPTQG 2021
(Chuyén Vinh Phiuc - 2020) Cho hinh vuéng ABCD canh a . Trén dudng thang vudng goc voi

(ABCD) tai A lay diém S di dong khong trung v6i 4 . Hinh chiéu vudng goc ctia 4 1én SB,SD
lan luot tai A, K . Tim gia tri 16n nhat cta thé tich khdi tir dién ACHK .

A. “3*/5. B. L C. “3‘/3. D. “3*/5.
32 6 16 12
Loi giai
Chon C
Cach 1:

Taco V up P
2 2 4
Lo Lo S SK_(S4Y (54 __
I/SAABD SB SD SB SD (x2 + az)
)C4 a2x5
= VSAAHK =

— V. =
(x2+a2)2 A 6(x2+arz)2

Goi O=ACNBD,G=SONHK,I =AGNSC.

BC L 4B
Ta cé{ = BC 1 (SAB)= BC L AH,(AH < (S4B)).

BC 1 .54
.. |AH L SB
Laicé :AHJ_(SBC):AHJ_SC.
AH 1 BC
Chtrng minh tuong ty ta co AK 1 SC.
[ SC 1L AK
Vi :SCL(AHK),AIC(AHK):SCJ_A[.
SC 1L AH
Xét tam giac SAC vuongtai A,dat SA=x>0 vaco ACZG\/E, Al 1. SC
2 2 2
:>£=(£) = 2‘12 =CIl = 2(12 SI .
IS AS X X
1 1 2a° 2a° a’ x
= Vo ZSSAHK'CI :ESAHK-7-SI :?VSAHK :?-m-
2 2 2 AM~-GM 3 3 B
Talai co (x2+a2)2: SN > 1624 o al 5 S3\/§ (Dau “=" xay ra khi
33 3 33 (x*+a?)  16a

va chi khi x=a3).
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4 3
a Sx/g a \/g
Suyra V. < s <=
y AcHK =37 e ACHK 16
3

Vay gia tri 16n nhat ciia thé tich khdi tt dién ACHK bing & 3 Khi x =S4 = a3.

Cich 2:

2
bat SA=x,x>0=V p0p = % = Vs im0 = %VSAABCD = aTGX .

Goi O=ACABD = 0 latrung diém cla AC = d(4,(HOK))=d(C,(HOK))
= Vinox =Verox = Vicnx = 2VAHOK .
SH _ SA* x°

Xét tam giac SAB vuong tai 4, cO AH L SB= ——=— — .
SB  SB° Xx +a

2

Tuong tu trong tam giac SAD ta cling ¢ &: 2x =
SD x +a
4 4 2.5
Laico Lsam SHSK & .y Xy o 4X
Veasp SB SD (x2+a2) (x2+a2) 6(x2+a2)
d(H,(ABCD 2 2
Mit khac ( ( ))ZBHZ 2“ . jd(H,(ABCD))z 2“ x2
d(S,(ABCD)) BS x'+a X +a
. 1 a’ 1 1 a'x
Ma S, :ESABD =— =V a0 ZESABO'd(H’(ABO)):E'xz P
] 1 a'x
Tu’o‘ng tu, ta co VKAADO :Em
2 2.5 4
a‘x a‘x 1 a'x
=>Vienx = 2VA0HK = 2(VS4ABD Vs amc —Viuso _VKADO) =2 ?_ 6(x2 e )2 _g'xz e
a’ X
Vi =—7F7—""—"=-
3 (x2+a2)2

3
Xét ham s6 f(x) = x—2 trén khoang (O; +00).
(x2+a2)
2(352 — 2
L)Z);f'(x)zozwc:a\/g
(x2+a2)
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TAI LIEU ON THI THPTQG 2021
Bang bién thién

x 0 a3 +0
f'(x) + 0 -

e /’ \

Quan sat bang bién thién, ta thiy f dat gia tri 16n nhat khi x = a3
at (a\/_) a3\/§
[(af) ﬂ 16

Vay gia tri 16n nhat ctia ¥, bang khi SA=a/3 .

Ciu 24. (Sé& Hung Yén - 2020) Khdi chop c6 day 1a hinh binh hanh, mét canh ddy bang a va cac canh
bén déu bing a~/2. Thé tich ctia khéi chép c6 gid tri 16n nhét la
246 3
\/_ a3 D Ta

A. 264> . B. 84°. C. . L —
¢ 3 =1

Chon D

Goi ACNBD=0.

SO 1 AC
SO 1 BD
= O 1a tam dudng tron ngoai tiép hinh binh hanh 4BCD
= ABCD 1a hinh chir nhat.

Ta co SA=SB=SC=SD:a\/§:>{ = SO 1 (4BCD).

Khong mat tinh tong quét, gia st AD =a va diat AB = x, x > O :> OA= l\/x +a’

Xét ASOA vudng tai O, tacd SO=~SA"-04" = [2a° - X ha \/7c12—)c2 )

Laico S, ,0p =ax nén Vg ,op = ;SABCD.SO:ga.x.\HaZ—xz < 2 =

a14
=

Dau “=" xay ra khi va chi khi x =

3
Vay thé tich 16n nhat ctia khdi chép di cho 1a 7112 .
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Cau25. (Kim Lién - Ha Nogi - 2020) Cho khoi t¢ dién ABCD c¢6 canh AC, BD thoa man

AC* + BD* =16 va cac canh con lai déu bang 6 . Thé tich khdi tr dién ABCD dat gié tri 1on nhét

bang
A. —32\/5 . B. —16\/5 . C. —16\/5 . D. —32\/5 .
3 - 3 3 3
Loi gidi
Chon B

Goi I, K 1an luot 1a trung diém cua AC, BD.
Tacod: AC LIB,AC LID= AC L(BID)=>V 0 =2V

Vs = %A[.S,BD = AC.%IK.BD (Do IB = ID nén tam giac /BDcan tai /)

11
32
BD=+16—AC? ;0< AC <4
_IB’+ID* BD’

2 4

BD*?

IK? =D -

AC* BD?
— AD* — f— ; =32 =K =42

V isco =2.%.AC.4\/§\/16—AC2 =¥.AC. 16-A4C*,(0< AC <4)

Dit t=AC, (0<t<4).
Xét f(t)=tJ16—1>,(0<t <4)

Ta co:
t |0 2v/2 2
) | oo
~8 -
CH I ~—_
Vay thé tich khéi ttr dién can tim dat gia tri 16n nhat 1a 16;5 .

Tim gia tri 16n nhit cia thé tich, ta cé thé dung cich khic nhw sau:
Ap dung BPT Cauchy cho 2 s6: AC? va 16— AC?

Taco: AC? +16— AC? 22\/AC2(16—AC2) o ACA16—AC* <38

Déng thite xdy ra < AC*> =16— AC> < AC =22
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Cau 26.

TAI LIEU ON THI THPTQG 2021

16v2

3

Vay thé tich khéi tir dién can tim dat gi4 tri 16n nhat 1a

(Lién trwong Nghé An - 2020) Cho hinh chép S.4ABC, day la tam gidc ABC c6 AB = BCA5,
AC =2BC2, hinh chiéu cia S 1én (4BC) la trung diém O cua canh AC . Khoang cach tir 4
dén (SBC ) bang 2 . Mit phang (SBC ) hop v6i mit phang (ABC ) mot goc o thay doi. Biét rang

gia tri nho nhat ciia thé tich khdi chop S.ABC bang %, trong 46 a,beN", a 1a s6 nguyén td.
Toéng a+b bang
A. 8. B. 7. C.6. D. 5.
Loi giai
S

B
Ap dung dinh Iy Hé-rong trong tam giac ABC ta dugc dién tich S ,. = BC?.
T O ké OI 1 BC tai I, suy ra gbc tao bdi (SBC) va (4BC) 1a SI0=a .
Tir O ké OH L SI tai H thi d(4,(SBC))=2d(0,(SBC))=0OH = OH =1.

OoH 1
sinag  sin‘a

Tam giac OHI vudng tai H nén Ol =

Tam giac SOI vudng tai O nén SO =0l -tana = _OH ‘tana = .
sina cosa

Ma dién tich
1

sin’ o

2
S pe = BC* =201 =d (4,BC) = Z—AC{C

=2BC=0[=BC= S, =0I"=

Thé tich khéi chop 1a V:lsABC-Sozl-%- L
3 3 sin“a cosa

Xétham sd f(x)=(1-x")x==x"+x trén (0;1), f"(x)=-3x"+1, f’(x)=0:>x=g.

Bang bién thién
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x 0 \/_§ 1
3
f(x) — 0 +
2v/3
Suy ra f(x)S%,Vxe(O;l).
243 1 1 3

Do d6 (l—coszx)cosxﬁ—:V:l- — 21- 9
9 3 1-cos’a cosa 3 23 2
Vay a=3,b=2=a+b=5.
Ciu 27. (Ly Nhan Téng - Bic Ninh - 2020) Xét khdi chop S.ABC co day 1a tam giac vudng can tai A4,
SA vudng goc véi day, khoang cach tir 4 dén mit phang (SBC) bang 3. Goi « 1a géc giita hai

mit phing (SBC) va (ABC), tinh cosar dé thé tich khdi chép S.4BC nho nhat.

A. cosa =—. B. cosaz%. C. cosaz%. D. cosa=72.

Loi giai

Goi H l1a trung diém cia BC = AH 1 BC (vi tam gidc ABC vudng cantai A4).

AHJ_BC(cmt)
Ta co = BC L (S4H)= BC L SH.
SA4 1 BC(S4 L (4BC))
(ABC)(SBC) = BC
Taco { AH 1 BC = ((4BC),(SBC))=(AH,SH)=SHA=a.

SH 1 BC

Ké AK L SH ,véi K e SH .
AK 1 SH (gt)

Ta 6 = AK 1 (SBC)=d(4,(SBC))= 4K =3.
AK L BC(BC 1(S4H))

AK 3

Tam giac SHK vudng tai K ¢c6 AH =— —,
sina¢ sina
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Cau 28.

TAI LIEU ON THI THPTQG 2021

. . AK 3
Tam gidc SAK vuong tai K c6 SA=— = .
sin(90°—a)  cosa

Tam giac ABC vudng cantai 4 c6 H 1atrung diém cia BC = BC =24H = sir?a va
AB=AC = BC_ L
V2 2sina
R P S
Ve = %SABC A= % sin92 a coza - (1 - coszga)cosa '

Xét ham s y=(1—cosza)cosa Vo1 ae[o;%]

Dbit t=cosac:>te[0;1]:>y=(1—t2)t=t—t3

tzﬁe[o;l]
Suyra y'=1-3=0e| 3 .
NE)
t=———¢[0;]]
3
Ta ¢ y(o):o,y(l):o,y(?}¥.

NG

Véy dé thé tich khi chop nho nhét thi (1-cos® & )cose 16n nhat bing % khi cosa = 5

(Yén Lac 2 - Vinh Phuc - 2020) Cho hinh chop S.ABCD c6 day ABCD la hinh vuéng canh a,
canh bén S4=y (y>0) va vudng géc v6i mit ddy (ABCD). Trén canh AD lay diem M va

dat AM =x (0 <x< a) . Tinh thé tich 16n nhat V__ ciia khbi chop S.ABCM , biét x> + y* =a’.

max

3 3 3 3
A.“*/g. B.‘“/g. c.“*/g. D.“‘/g.
9 3 =3 5
Loi gidi
Chen C

Taco: S, ;0 =%(AM+BC).AB=%(x+a).a.

Vay thé tich khéi chop S.ABCM 1a V = %SA.SABCM = %y%(ax+ az) = %(xy +ay)
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a’ 36
o VP :gyz (x+a)2 <::>a—2V2 =(a2 —xz)(x+a)2
Xét ham s f(x)= (az —xz)(era)2 trén khoang (0;a).
Taco: f'(x)= —2x(x+a)2 +2(a2 —x2)(x+a) = 2(x+a)2 (a—2x)

f’(x)zO@x:%(Vix>0)

Bang bién thién
x 0 g a
7 0 -
|'fa“'l
712
fl:x) / Ith:} \
: a , a’\(a > 274
Tu bang bién thién suy ra: max f(x)=f|—|=|a " —— || —=+a | =
8 Y (0:a) f() f(ZJ ( 4](2 j 16

2
a
Vay V. =, —.max f(x)= .
A i \/36 nac s (¥)=\36 6 =

Cau29. (Kim Thanh - Hai Duwong - 2020) Cho hinh chop S.ABCD c6 day ABCD la hinh binh hanh.
Goi K 1a trung diém SC . Mit phang chira AK cit cac canh SB, SD lan luot tai M va N . Goi
V., V theo th tu 1a thé tich khbi chép S.AMKN va khdi chop S.ABCD . Gia tri nho nhat cua ti

\/az 27a* a3\/§

sO n bang
2

A. é B. D. 2

8 3
Chgn C

e SM SN
Giast x=——, y=——.

SB SD
Ta c6 ABCD la hinh binh hanh nén Vg .. =V, ., :%VSAABCD = lV.
SM SK SK SN 1 1 1 1 1

Ve arin =Vsaw Vs axw ZE‘E‘VSAABC +E'S_D'VSAACD = EX-EV+EJ’~EV = ZV(X"‘J’)

:>%=i(x+y).
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Cau 30.

TAI LIEU ON THI THPTQG 2021

SM SN SK SM SN
Mt khéc, V. o = V. 4V, =2 2N 0% oM O
g S.AMKN S.AMN S.KMN SB SD S.ABD SC SB SD S.ABC
1 1 1
3V1==—xy.V+—xy.—V=3ﬂV :}5:&
2 272 4 14 4

Do do %(x+y)=%xy:>x+y=3xy

Ap dung bat dang thirc Cauchy, ta cé 3xy = x+ y > 2,/xy =[xy 2%: Xy Zg
Dodc')ﬁzéxyzi.izl
8 49 3
B . C|x+y=3x
Dau "=" xay ra khi >x=y=—
xX=y

1

3

(Chuyén Lé Hong Phong - Nam Pinh - 2020) Cho ling tru tam giac déu 4BC.A'B'C’ c¢6 do dai
canh ddy bang a. Goi ¢ la géc gita BC' va mit phang (A4'BC). Khi sing dat gié tri 16n nhat,

e . V.
Vay gia tri nho nhat cta ;1 la

tinh thé tich khéi ling tru da cho?

3 3 4 3 4 3
A oo g, 3¢ C. Y124 . D. ¥27a .
4 4 43 42
Loi gidi
Chon D
A '
\\:\\\ B,
\:.\E\\
A‘ ’:::::::: *********** \—\*————:— *C
M
B
Dit 44 =x (x>0)
Goi h=d(A,(A'Bc))=d(c',(A'Bc)).
Dung AM | BC, AE L AM = h= d(A,(A'Bc)) - d(C’,(A'Bc)) — A= AAMA
NAA* + AM?

2

a—\/ngagc': a’+x7.

Khidotacod h=
v 4x* +3a’
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ax/gx a\/§

BC :\/4x2+3a2\/x2+a2 ) (4x2+3a2)(x2+a2)
2

Taco sing =

X
. (4)c2 +3a2)(x2 +a2) .
Ta c6 sin¢ 16n nhat khi 3 nho nhat
X
4x? +3a% |(x* +d* 4
Ma( 2)( )=4x2+3iz+7a224a2 3 +7a%khi
X X
4 45~ 3
Déu bing 4x? = 3% s x = adl> , khi 6 thé tich khéi lang tru bing Y27 .
x 4 42

HET
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