CHUYEN PE 1
BAI 5. TIEP TUYEN
Muc tiéu
% Kién thire

+ Nam duoc khai niém duong tiép tuyén ctia dd thi ham s, su tiép xtic cia hai d6 thi.

+ Hiéu dugc ¥ nghia ctia dao ham lién quan dén hé sb goc cua tiép tuyén tai diém.

+ Biét cach viét phuong trinh tiép tuyén ctia do thi khi biét diém tiép xitc, biét trude hé sé goc va

tiép tuyén di qua diém cho trudc.

+ Kining
Viét dugc phuong trinh tiép tuyén ciia do thi ham s6 tai diém cho trudc.
Biét cach viét phuong trinh tiép tuyén ctia do thi ham s6 khi biét trudc.

Biét cach viét phuong trinh tiép tuyén ctia d6 thi ham s di qua diém cho trudc.

+ + + o+

Giai dugc cac bai toan lién quan dén tiep tuyén cta do thi ham so.
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I. Li THUYET TRONG TAM

Cho hai ham s6 f(x) va g(x) c6 dao ham tai diém x,. Ta noi rang | y =f(x)
hai duong cong (C):y=f(x) va (C'):y=g(x) tiép xtc véi nhau tai
diem M(x,;y,) néu M 1a mot tiép diém chung cua ching. o Mlrared x
(C) va (C") ¢co tiép tuyén chung tai M. o

Piéu kién tiép xiic:
Hai duong cong (C): y:f(x) va (C'):y:g(x) tiép xGc voi nhau < hé phuong trinh

{f(X)=g(X)
f'(x)=¢'(x)

Nghiém ctia hé phuong trinh 13 hoanh d9 tiép diém cta hai dudong cong do.

c6 nghiém.
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SO PO HE THONG HOA

ﬁiéu kién tiép xic ciia hh

dd thi ham so:

Hai duong cong (C):
y:f(x) va (C'):y:g(x)

tiép xtc voi nhau khi va chi

khi hé phuong trinh
t(x)=e(x)
t'(x)=¢'(x)

Nghiém cta hé phuong

c6 nghiém

trinh 13 hoanh d6 tiép diém

cua hai duong cong do.

N /

II. CAC DANG BAI TAP

&héi niém tiép tuyén \

chung ciia hai d6 thi ham

s0:

Cho hai ham so f (x) va
g(x) c6 dao ham tai diém
X, . Tanoi rang hai duong
cong (C): y=f(x) va

(C') y= g(x) tiép xtic voi
nhau tai diém M (x0 ; yo)
néu M 1a mot tiép diém
chung cua chung.

Hai duong cong ¢ tiép

Qyé’n chung tai M. j

Dang 1: Lap phwong trinh tiép tuyén ciia d6 thi ham so tai diém cho truéc

Bai toan 1: Sy tiép xuic ciia hai dwong cong
4+ Phuwong phap giai
Cho hai duong cong (C): y=f(x)va
(C):y=g(x). Piéu kién dé hai duong cong
tiép xtic véi nhau 1a hé phuong trinh
{f (x)=2(x)
f'(x)=¢'(x)

- Nghiém x =x, cta h¢ trén la hoanh do

c6 nghiém.

ctia tiép diém ctia hai dudng cong da cho.
- HE trén c6 bao nhi€u nghiém thi hai
dudng cong (C) va (C’) tiép xtic v6i nhau tai

bay nhiéu diém.

4+ Vi du miu

Vi dy: Cho d6 thj ham s (C):y =—x’+3x+2.
Hoanh d¢ tiép diém cuia d6 thi (C) véi truc Ox la

—x*+3x+2=0

nghi¢m cua h¢
-3x*+3=0

x=2;x=-1
Rt =>x=-1
x ==1

Vay toa do tiép diém cua dd thj (C) voi truc hoanh

1a A(-1;0).
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Vi du 1: D6 thi ham sé y = x> +x +1 tiép xtic v6i dudong thang nao dudi day?

A.y=x+1. B. y=-2x+1.
C.y=—x+1. D. y=2x+1.
Huéng din gidi:

Ap dung diéu kién tiép xiic ctua hai dudng cong (C):y :f(x) va (C’) 1y :g(x) la hé¢ phuong trinh

{f (x)=g(x)
f'(x)=¢'(x)

Tacé y' =3x>+1>0, Vx € R nén cac phuong an B, C bj loai.

¢6 nghiém.

, , X Ex+l=x+1
Xét phuong 4n A. y=x+1. Ta co hé & x=0.
X +1=1
Vay dudng thang y = x +1 tiép xtic véi d6 thi ham s da cho.
Chon A.

Vi du 2. Tap hop tat ca cac gia tri thuc ciia tham sé m dé dudng thing y = —2x+m tiép xic véi dd thi

ham s y=x+1
x—1

A {T:-1}. B. {-1}. C. {6}. D. {6:-1}.

la

Huéng din gidi:

DPuong thing y =-2x+m tiép xtc v6i d6 thi ham s6 y = X—+i khi va chi khi h¢ phuong trinh sau c6
X —

nghiém
erl——2x+m +1 x=0
x—1 = 2x+m x_—l—1:_2x+m m=—1
D) <ex-l <ex-1 =3
7=2 (x—1)2:1 x*=2x=0 x=2
(x—l) m="17

Viy me {—1;7} thi duong thang d tiép xtic véi (C).
Chon A.
Vi du 3: Goi S la tép hop tat ca cac gia tri thuc cta tham s6 m dé do thi (C,) cta ham sb

y=x’—4mx* +Tmx —3m tiép xtc véi parabol (P):y=x’—x+1. Tong gid tri cac phan tir ciia S bing

A.E. B.ﬂ. C.g. D. 4.
4 4 4
Huéng dén gidi:

bé (c,) tiép xtc v6i (P) thi hé phuwong trinh sau c6 nghiém:

{x3—4mx2+7mx—3m=x2—x+l

3x7 —8mx+Tm=2x—-1
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x3—(4m+1)x2+(7m+1)x—3m—1=0 (1)
3x* =2(4m+1)x+Tm+1=0(2)

Giai (1), ta c6 (1) < (x—1)(x* —4mx+3m+1)=0

x=1
=

X —4dmx+3m+1=0
+ Voi x =1 thay vao (2) dugc m =2
X —4mx+3m+1=0 (3)

= (2m-1)x=m+1(4).
3x2—2(4m+1)x+7m+1:0

+ Xét hé {

«Néu m = % thi (4) vo nghiém.

Néu m £ thi (4) o x =L
2 2m—1

2
Thay x =L vao (3) ta duoe [ | —am| L L 3mr120
2 1 2m—1 2m—1

m=2
Sam’ —11m* +5m+2=0 | m= —i(th()a man diéu kién).

m=1
A 1 A LA , A 4o y 11
Vay S = 2;—2;1 nén tong cac phan tu trong S bang 7

Chon A.

Vi du 4: Goi S 1a tap hop tt ca cac gié tri thuc ctia tham s m dé d6 thi ham s

3
X

y= ?—E(m + 2))(2 +2mx +1 tiép xtc v6i duong thang y=1. Tong gia tri cac phan tir ctia S bang

A. 10. B. & C.

3

D. 2.
3

W | o0

Huéng dén gidi

3
X

e ‘ ——1(m+2)x2+2mx+1=1(1)
Xét h¢ phuong trinh < 3 2

x° —(m+2)x+2m:O(2)

. xX=m
Giai phuong trinh (2) ta dugc {
X

3 =0
+ Véi x =m, thay vao (1) ta dugc —m?+m2 :0<:{m 6
m=

+ Vi x =2, thay vao (1), ta dugc mz%.
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Vay tap hop céc gia tri ciia tham s thuc dé do thi ham sb da cho tiép xtic voi duong thang y=1 1a
2 A A ’ A 5 M 20
S= 0;6;5 nén tong cac phan tir trong S bang 3

Chon B.
Vidu 5. Biét dd thi ciia ham sb (C) 1y =Xx"+ax’ +bx +c(a,b,c € ]R) , tiép xuc véi truc hoanh tai géc toa
d6 va cat duong thang x =1 tai diém c6 tung do bang 3. Tong a + 2b + 3¢ bang
A. 4. B. 2. C.o. D. 3.

Huéng din gidi:
Vi (C) tiép xtc v6i Ox tai gdc toa dd nén x =0 1a nghiém ciia hé phuong trinh

X’ +ax’ +bx+c=0 b=0

=

3x* +2ax+b=0 c=0
Mat khac (C) di qua diém A(1;3) nén a+b+c+1=3=a=2.
Vay a+2b+3c=2.
Chon B.
Vi du 6. Ho parabol (P, ):y=mx*—2(m—3)x+m—2(m=0) luén tiép xtc v6i dudng thing d c6 dinh
khi m thay d6i. Pudng thang d di qua diém nao dudi day?

A. A(l;—8). B. B(O;—2). C. C(O;2). D. D(l;8).

Huéng dén gidi
Ta co: y =mx’ —2(m—3)x+m—2 zm(x2 —2x+1)+6x—2
= y=m()c—1)2 +6x—-2.
Xét duong thang d : y =6x—2 thi hé phuong trinh
m(x—1)2+6x—2=6x—2 o . .
ludén c6 nghiém x =1 véi moi m#0.

2m (x - 1) +6=6
Vay (P,) luén tiép xtc véi duong thang d:y=6x-2.
Puong thang d di qua diém B(O; —2) .
Chon B.

Nhdn xét: Néu c6 thé viét lai ham s6 (Pm) theo dang y = m(ax + b)2 +cx+d thi (Pm) Iudn tiép xiic voi

duwong y=cx+d.

Bai to4n 2. Lap phuong trinh tiép tuyén ciia d thi ham s y = f(x) tai diém M (x,;y,)

4+ Phwong phap giai

Thuc hién theo cac budc sau Vi du: H¢ sb gbc cua tiép tuyén voi d6 thi ham sd
Buéc I: Tinh y' = f'(x) va f'(x,). y=-x’+x+2 tai diém M(-2;8) bang
Buwéc 2: Suy ra phuong trinh tiép tuyén can A.-11. B. 6.

C.11. D.-12.
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tim la y:f'(xo)(x—x0)+yo Huwéng din giai
Buwéc 3: Thyc hién cac yéu cau con lai cia bai Tacd y'=-3x"+1= yr(_z) =-11

toan. Két luan. Phuong trinh tiép tuyén cta do thi ham sd tai diém
Chu y: M(-2;8) va y=—11(x+2)+8.

- Néu bai toan chi cho x, thi ta cin tim Suy ra hé sé goc ciia tiép tuyén 14 k =—11.
Yo=1(%,) va f'(x,). Chon A.

- Néu bai toan chi cho y, thi ta cin tim x,

bang cach giai phuong trinh f (x) =Y,

-Giatr f ’(xo) la hé so goc cua tiép tuyén cta

d6 thi ham s6 y = £(x) tai diém M(x,;y,).

4+ Vidu miu

Vi du 1. Tiép tuyén ciia dudng cong (C):y=xvx+1 taidiém M (3;6) c6 hé s goc bang

A -1 B U c. L p. -1
4 4 4 4
Huéng dén gidi
Tacod y' = m+ 3x+2
2\/xT 2x+1’
33+2 11

Hé s6 goc can tim 1a y'(3) = =

Chon B.

Vi du 2. Phuong trinh tiép tuyén cta d6 thi ham s6 y = x* —2x +3 tai diém M(l;2) la

A, y=2-x. B. y=x+1. C. y=3x-1 D. y=2x+2
Huéng dén gidi:

Taco y' =3x"-2=y'(1)=1
Viay phuong trinh tiép tuyén véi d6 thi ham sé da cho tai diém M (1;2) la y= (x - 1) +2=x+1.
Chon B.

Vi du 3. Phuong trinh tiép tuyén ctia d6 thi ham sé (C ) :y=x" tai diém c6 hoanh d¢ bang 1 13

A. y=3x-3. B. y=3x+2. C. y=3x-2. D. y=3x.
Huéng din gidi

Taco y =3x" = y'(1)=3.

Do xozl:>y0:y(l)=l.
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Vay phuong trinh tiép tuyén ctia do thi ham s6 da cho tai diém c6 hoanh do bang 1 1a

y=3(x-1)+le y=3x-2.

Chon C.

Vi du 4. Phuong trinh tiép tuyén cta do thi ham s6 y = x* + x> +1 tai diém c6 tung d6 bang 1 1a
A. y=4. B. y=2. C.y=1. D. y=3.

Huéng dén gidi

Goi M(x,;y,) 1a tiép diém

Taco y, =1 x, +x, =0 x,=0= M (0;1).

Laico y'=4x’+2x=y'(0)=0

Phuong trinh tiép tuyén can tim 1a y=1.

Chon C.

Vi du 5. Phuong trinh tiép tuyén ctia d6 thi ham sé y = tai giao diém cua do thi véi truc hoanh 1a

A. y=2x-4. B. y=3x+1. C. y=-2x+4. D. y=2x.
Huéng dén gidi

4:O<:>x:2:> dd

. -2 5 UTRER A an e \ \ A ) . 2x—
Giao di€m cua d6 thi ham s6 da cho véi truc hoanh la nghi¢m ctia phuong trinh
x —

thi ham s6 cét truc hoanh tai diém (2; 0).

(-3

Tacod y' = =y'(2)=-2.

Phuong trinh tiép tuyén can tim 1a y = —2(x - 2) hay y=-2x+4.
Chon C.
Vi du 6. Cho ham s6 y = —x’ +3x—2 ¢ d0 thi (C). Phuong trinh tiép tuyén cia (C) tai giao diém ciia (C)
véi tryc tung la
A. y=3x-2. B. y=2x+1 C.y=-2x+1 D. y=-3x-2
Huéng dén gidi
Ta co (C) N0y = A(O;—Z); y’(O) =3.
Phuong trinh tiép tuyén tai A(O; —2) la y=3x-2.
Chon A.

Vi du 7. Goi dudng thing y = ax +b 1a phuong trinh tiép tuyén ctia do thi ham sé y = tai diém c6

x+1

hoanh do x=1. Gia tri a—b bang

TOANMATH.com Trang 8



A. 2. B. 1. C. 1 D.l.
2
Huéng din gidi
. 1 PR ‘R , \ 2 \OAA s opa 4 2x-1 .
Taco x,=1=y, :5:> Toa do tiép diem cua duong thang y=ax+b va d6 thi ham s6 y= " la
X+

)

Viy' = — nén y’(l)zi.
(x+1) 4
NIy U G 3 1 31
Phuong trinh tiép tuyén cta d6 thi ham so 1a y =Z(x—1)+§:> y :ZX_Z
3
a=—
= 41:>a—b:1
h=——
4
Chon C.

Vi du 8. Phuong trinh tiép tuyén cta do thi ham s6 y = tan (% - 3xj tai diém c6 hoanh do X, :% la

A. yz—x—£+6. B. yz—x+£+6. C. yz—x—£—6. D. y=-6x+7-1.
6 6 6
Huéng dén gidi
Ta co y’: = :>yl z =—6; x()zzj%:_l
2(” j 6 6
cos Z—3x

Phuong trinh tiép tuyén can tim 1a y = -6x+7—1
Chon D.

Vi duy 9. Goi M la diém thudc do thi ham sb (C):y= 2x+1

n c6 tung do bang 5. Tiép tuyén cua dd thi (C)
x —

tai M cét cac truc Ox, Oy 1an luot tai A, B. Dién tich tam giac OAB béng

125 117 121 119

A. ? (dth) B. ? (dth) C. ? (dth) D. ? (dth)
Huéng din gidi
Tacod M(2;5)e(C);y’ =_—32; y'(2)=-3.
(x=1)

Phuong trinh tiép tuyén tai M (2;5) lad:y=-3x+11.

Khi d6 d cit Ox, Oy tai A(l—;;oj va B(0;11)= OA :13—1; OB =11.
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Vay

AOAB — A
2

Chon C.
x+b

Vi du 10. Cho him s y =
ax—2

(ab #-2,a+# 0). Biét rang a va b 1a cac gia tri thoa man tiép tuyén cia

d6 thi ham sé tai diém A(l; —2) song song voi dudng thang d:3x+y—4=0. Khi d6 gia tri cia a—3b

bang
A.S. B. 4. C.-1. D. 2.
Huéng din gidi
Taco: y' =_2;al?2:> y'(1)= _2_[1[;
(ax—2) (a—2)

Do tiép tuyén song song v6i duong thang d :3x+y—4=0< y=-3x+4 nén

—2—ab __3

Mt khac A(1;—2) thudc do thi ham so nén —2 = D s b=—2a+3.
a_
—2—-ab
Khi d6 ta c6 h¢ 3 (a-2)° :5a2—15a+10:0<:>[a_
a:
b=-2a+3
+Véi a=2=b=-1=ab=-2 (loai)
+Voi a=1= b =1 ( thoa man diéu kién).
Khi d6 ta c6 ham sé y =+
x—2
y’zﬁ: y'(1)=-3 nén phuong trinh tiép tuyén la y =-3x+1 song song véi duong thing
x=2
y=-3x+4.
Vay a—3b=-2.
Chon D.

Vi du 11. Trong tat ca cac duong thing tiép xtc véi d6 thi ham sé y = —x* —3x% +3x+1 thi duong thing
d c6 hé s6 goc 16n nhat. Phuong trinh dudng thang d 1a

A. y=6x+2. B. y=2x+2. C.y=1. D. y=3x+1.
Huéng din gidi

Tacd y' =-3x"—6x+3
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Goi M(x,;y,) thudc do thi ham sé. Khi d6 hé s6 goc cua tiép tuyén tai M(x,;y,) 1a
k=-3x2 —6x,+3=-3(x, +1) +6 <6

= k. =6 < x, =—1 hay M(-1;—4).

Phuong trinh duong thang d1a y=6(x+1)-4 < y=6x+2.

Chon A.

Nhdn xét: D6i v6i ham s6 bdc ba 'y = ax® +bx* +cx +d thi tiép tuyén c6 hé sé géc 1om nhat (nho nhat) la
tiép tuyén tai diém uon ciia do thi U (xo; f (xo)) , VOi x, la nghiém cia phwong trinh y"=0.
+ Néu a>0 thi hé s6 géc k= f'(x,) la nho nhit.

+ Néu a <0 thi hé s6 goc k= f'(x,) la l6n nhdt.

Vi du 12. Cho ham sb y=x"—2x> +(m—l)x+2m c6 dd thi (Cm) Gia tri thuc coa tham s6 m dé tiép
tuyén ctia d thi (C,,) tai diém c6 hoanh do x =1 song song v6i dudng thang y=3x+10 la

A. m=2. B. m=4. C. m=0. D. khong ton tai m.
Huéng dén gidi
Tacod y =3x"—4x+m—-1=y'(1)=m-2.
Tiép tuyén cia (Cm) tai diém c6 hoanh do x =1 ¢6 phuong trinh 1a

y=(m—2)(x—l)+3m—2<:>yz(m—Z)x+2m

. . . =3
Do ti€p tuyén song song vai duong thang y =3x+10 nén {Zz 10 (vo 1i)
m#

Viay khong ton tai m thoa méan yéu cau bai toan.
Chon D.
Vi dy 13. Phuong trinh tiép tuyén cta dd thi ham s6 f(x)=—x’+3x" +9x+2 tai diém M c6 hoanh d¢
X, biétring f"(x,)=-6 la
A. y=9x+6. B. y=9x-6. C. y=6x+09. D. y=6x-9.
Huéng dén gidi
Ta co f'(x) =-3x>+6x+9, f"(x) =—6x+6
["(x))=—6< —6x,+6=—6 < x,=2=y, =24 va y'(2)=9
Phuong trinh tiép tuyén tai M(2;24) 1a y=9(x-2)+24 < y=9x+6.
Chon A.
Vi dy 14. Cho ham s f(x)=x’+mx’ +x+1. Goi k 1a hé s6 goc tiép tuyén cua do thj ham sb tai M ¢6

hoanh d6 x =1. Tét ca cac gi tri thuc ctia tham sé m dé théa méan k.f(—l) <0 la
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A. m<=2. B. 2<m<l1. C.m=>1. D. m>2
Huéng din gidi
Taco f'(x)=3x"+2mx+1=k=f"(1)=4+2m.
Do d6 k.f(-1)=(4+2m)(m—-1)
Dé k.f(-1)<0 thi (4+2m)(m-1)<0& 2<m<1.
Chon B.
Vi dy 15. Cho ham s6 y=x"+3mx” +(m+1)x+1, v6i m 1a tham so thuc, c6 d6 thi (C). Biét rang khi
m=m, thi tiép tuyén véi dd thi (C) tai diém c6 hoanh d6 x, =-1 di qua A(1;3). Ménh d¢ nao sau day
dang?
A, —2<my<-1. B. -1<m, <0 C.0<m,<1 D. 1<m, <2
Huéng dén gidi
Goi B 1a tiép diém cua tiép tuyén di qua A (1;3) khi m =m,
Tacod y =3x" +6mx+m+1.
Véi x,=-1thi y,=2m-1= B(—l;2m—l) va y'(—l)=—5m+4.

Tiép tuyén tai B cuia (C) c6 phuong trinh 1a y = (—Sm + 4)(x + 1) +2m-1.
Do tiép tuyén di qua A(L;3) nén 2(-5m+4)+2m—-1=3m :%.

Vay m, :%e (O;l).

Chon C.

2

c¢6 d6 thi (C). Goi M 1a mét diém thudc (C) c6 khoang cach tir M dén

Vi du 16. Cho ham sé y= 2x

truc hoanh béng hai lan khoang cach tt M dén truc tung, M khong trung voi géc toa do O va co toa do

nguyén. Phuong trinh tiép tuyén ciia (C) tai M 1a

A. y=-8. B. y=-64. C. y=-12. D. y=-9.
Huéng din gidi:
2
Gia str M[a; a ]lémc}t diém thuoe (C).

-a

2 a=0

4 _2q 4

Do d(M;0x)=2d(M;0y) nén 5 =2|a|<:> 2—2a & azg

-a
32" |a=4

Theo gia thiét thi M khong tring véi gc toa dd O va co toa do nguyén nén a =4 = M (4; —8).
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4x —x*
(2-x)

Phuong trinh tiép tuyén can tim 1a y=-8.

Khi dé y' =

= y'(4) =0

Chon A.

x+1

Vi du 17. Cho ham s y= > c¢6 do thi (C) va duong thang d:y=-2x+m—1 (m la tham sb thyc).
X+

Goi k,, k, 1a hé s6 goc tiép tuyén cia (C) tai giao diém cia d va (C). Tich k,.k, bang

A. 4. B C.2. D. 3.

1
e
Huéng din gidi
Tap xac dinh D =R\ {—2} .

1
(x+2)2

Taco y' =

Xét phuong trinh hoanh d6 giao diém cia (C) va (d)

x+1
X+2

=2x*+(6-m)x+3-2m=0(1)

=2x+m—-1(voi x#-2)

Pé duong thang (d) cat d6 thi ham s6 (C) tai hai diém thi phuong trinh (1) phai c6 hai nghiém phan biét
khac 2.

A=(6-m) -8(3-2 :
{ (6-m) —8(3 m)>0<:>{m HAm+12>0

8—2(6—m)+3—2m¢0 -120
Vay (C) ludn cat (d) tai hai diém phan biét A(xl; yl) va B(xz; y2) , V01 x,,x, 1a nghiém cia phuong trinh

(1).

m—=6
X X, =—
Theo dinh 1y Vi-ét ta c6 2
3-2m
XXy :T
Taco k.k, = ! 5. ! > = ! >
(x1+2) (x2+2) [x1x2+2(xl+x2)+4]
{3_2m+2.m_6+4}
2 2
Chon A.
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Vi du 18. Cho ham s6 y =x* —2mx* +m c¢6 d0 thi (C) véi m 1a tham s6 thuc. Goi A 1a diém thugce d thi
(C) c6 hoanh do béng 1. Gia tri ctia tham sd thuc m dé tiép tuyén A cta do thi (C)tai A cit duong tron

(7):x*+(y- 1)2 =4 tao thanh mot ddy cung c6 d6 dai nho nhat 13

A.mz—E. .ng. C.mz—ﬁ. D.mzﬁ.
16 16 13 13
Huéng din gidi
Pudng tron (y): x> +(y—1)" =4 ¢6 tam 1(0;1), R=2.
Ta co A(l;l—m);y'=4x3—4mx:>y'(l)=4—4m.
Suy ra phuong trinh tiép tuyén A:y = (4—4m)(x—1)+ 1-m.
Dé thiy A ludn di qua diém c6 dinh F (%;Oj va diém F nam trong duong tron ( 7/). A M N
Fa

R

Gia sit A cht () tai M, N, Khi d6 MN =2,/R* ~d*(I:A) =2,J4~d (I:A). /

Do d6 MN nh¢ nhat < d(I;A) lénnhat < d(I;A)=IF = A LIF.

Khi d6 duong thang A c6 1 vecto chi phuong ;tj_ﬁ:(%;—lj; ﬁ:(l;4—4m) nén
ﬁ.ﬁ=0@1.3—(4—4m)=o©m=£.
4 16

Chon B.

4+ Bai tap tuw luyén dang 1
Cau 1: Goi S 1a tap hop tat ca cac gia tri thuc cia tham s6 m dé dd thi hai ham sd
(C):y=mx’+(1-2m)x* +2mx va (C,):y=3mx’+3(1-2m)x+4m—2 tiép xtc v6i nhau. Tong gia
tri cac phan tir ctia S bang

A. E B. 3. C.1. D.

6

Cau 2: Goi S 1a tap tat ca cac gia tri thuc ctia tham s6 m dé duong thang y=2x+m tiép xtc véi do thi

SN

ham sd y = 2x_—13 Tich gia tri cac phan tir cia S bang
x —_—

A B. 4. C.-8. D. 4.

1
Cau 3: Goi S la tap tAt ca cac gia tri thuc ctia tham s6 m dé dd thi ciia ham sd
y=x"— (m + 1) x> +4m (Cm) tiép xtic v6i duong thang d :y =3 tai hai diém phéan biét. Tong cac phan tir
ctia tip S bang
A. 14. B. 17. C. 15. D. 4.
Cau 4: Gia tri ctia tham s thyc m dé do thi ham sé y = x* —mx? +1 tiép xtc véi duong thang d:y=>5 1a

A. m=2. B. m=3. C. m=-1. D. m=-3.
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Cau 5: Cho ham s6 y = x* —3x? +3mx +1—m . C6 bao nhiéu gia trj thuc ctia tham s6 m dé do thi tiép xuc
voi truc hoanh?
A. 0. B. 3. C. 1. D. 2.

n e, , J 2 aX g e A X —x+1 ., , L. \
Cau 6: Gia tri thuc ciia tham s6 m dé do thi ham so y = 1 tiép xuc véi parabol y=x’+m 1a

A. m=-2. B. m=0. C. m=-1. D. m=3.
Cau 7: Co bao nhiéu gia tri thuc ctia tham sb m dé dd thj ham sb y=—x +2(m+l)x2 —Smx +2m tiép
xuc voi truc hoanh?

A. 4. B. 3. C.2. D. 1.
Céu 8: Tong tit ca cac gia tri thuc ciia tham s6 m dé dudng thing x+y=2m la tiép tuyén cta duong
cong y=—x"+2x+4 bang

A. 2. B. 4. C.-2. D. 4.

Cau 9: Cho ham s y= %4 —2x>+4 ¢6 dd thi la ©). Téng tat ca cac gia tri thuc ctia tham sb m dé do thi
(C) tiép xtc v4i parabol (P) :y=x"+m bing

A. 6. B. 126. C. 34. D.-1.
Cau 10: Téng tat ca céc gia tri thuc ctia tham s6 m dé dd thi ham s y=x’ —(m+3)x2 +(3m +2)x -2m
tiép xtic véi truc hoanh bang

A. 1. B. 3. C.-3. D.-1.
Cau 11: Trong ba duong thang d:y=7x-9,d,:y=5x+29,d,:y=-5x-5 c6 bao nhiéu duong thang
14 tiép tuyén ctia d0 thi ham sé (C):y=x’+3x —2x—4 ?

A. 1. B. 2. C.3. D. 0.

Cau 12: Tiép tuyén ciia dd thi ham sé y = x* +3x” -2 tai diém c6 hoanh d6 bang -3 ¢6 phwong trinh 13

A. y=9x+25. B. y=30x-25 C. y=9x-25 D. y=30x+25
Céu 13: D6 thi (C) cua ham s6 y= Sxtl cit truc tung tai diém A. Tiép tuyén cua (C) tai diém A c6
X—
phuong trinh 1a
A. y=-5x-1. B. y=—4x-1 C.y=4x-1 D. y=5x-1

Céu 14: Cho ham s6 y = x_—f . Phurong trinh tiép tuyén ciia d6 thi ham sb tai diém c6 hoanh d6 x =0 la
X+
A. y=3x+2. B. y=-3x-2 C. y=3x-3 D. y=3x-2
Céu 15: Hé sb goc cua tiép tuyén voi do thi ham sb y =sinx+1 tai diém c6 hoanh do % béng

NE) NG 1

A ——. B. —. C. —— D.
2 2 2

N | =

xX+2

Cau 16: Phuong trinh tiép tuyén ctia dd thi ham s y= 0 tai giao diém véi truc hoanh, cit truc tung
X+

tai diém c6 tung do bang
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A.-1. B. 1. C.2. D.-2.

2
X

Céu 17: Cho ham sb y :§+1?1 c6 dd thi (C). Phuong trinh tiép tuyén cua (C) tai M c6 hoanh do

x,=-21a
1 1
A. yz—E( —2)+7. B. yz—E(x+2)+6.
C. y:—%(x+2)—6 D. y=%(x+2)+7

Cau 18: Cho ham s6 y=x* —3x+ 4(C). Tiép tuyén ctia do thi (C) tai diém M(—2;2) c6 hé s6 goc bang
A. 45. B. 0. C.24. D.O.
Céu 19: Cho ham s6 y=x’+3x c6 dd thi ham s6 (C). Hé sb goc k cua tiép tuyén v6i dd thi tai diém co

tung d6 bang 4 1a

A. 9. B. 6. C.0. D. 2.
Ciau 20: Tiép tuyén cia do thi ham s6 y = Z))Cc-l—_i tai diém c6 hoanh do X, =1 cohé s6 goc bang

A.-5. B.-13. C.13. D.-1.
Cau 21: Cho d0 thi (H ) Ty = 2;__34 . Phuong trinh tiép tuyén cua do thi (H) tai giao diém cta (H) va Ox
la

A. y=-2x+4. B. y=-"2x-4. C. y=2x-4. D. y=2x.

Cau 22: Cho ham s6 y=-x"+5 , ¢6 dd thi (C). Phuong trinh tiép tuyén cta (C) tai M ¢6 tung do
¥, =—1 v6i hoanh 46 x, <0 la

A. y=2v6(x—6)-1. B. y=2v6(x+6)-1

C. y=-2V6(x+6)-1 D. y=2v6(x-6)+1

A \ A - 1 3 < A A 5 A . \ A e < R 5 A . <\
Cau 23: Cho ham s6 y= x—2 Phuong trinh tiép tuyén ctia d6 thi ham so tai giao diém cta do thi ham
X+

s6 vé6i truc hoanh 1a
A. x+3y+1=0. B. x-3y+1=0. C. x-3y-1=0. D. x+3y-1=0

Céau 24: Phuong trinh tiép tuyén cia do thi ham s6 (C ) :y=x"—x7 +1 tai diém c6 hoanh d6 bang 1 1a

A. y=2x—1. B. y=2x+1. C.y=1. D. y=2x+3.

Céu 25: Phuong trinh duong tiép tuyén cia do thi ham s6 y =

\/;_x tai diém A(%;l) 1a
A.2x-2y=1. B. 2x+2y=-3. C.2x-2y=-1. D. 2x+2y=3.
Cau 26: Tiép tuyén véi d6 thi ham sd y = x* —4x+1 tai diém c6 hoanh d6 bang 2 c6 phuong trinh 1a
A. y=-8x+17. B. y=8x-16. C. y=8x+15. D. y=8x-15.
Cau 27: Phuong trinh cac duong tiép tuyén cua d6 thi ham s6 y=x’—6x>+11x—1 tai diém c6 tung do

bang 5 1a
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A y=2x+3y=—x+T7;y=2x-2. B. y=2x+Ly=—x+2;y=2x-2.
C.y=2x+3y=—x+T7;y=2x-1. D. y=2x+Ly=—x+2;y=2x-1.
Cau 28: Cho ham s6 y = x> +5x+4 c¢6 d6 thi (C). Phuong trinh cac duong tiép tuyén cua (C) tai cac giao
diém ctia d6 thi voi truc Ox 1a
A. y=3x+3 va y=-3x—-12. B. y=3x-3 va y=-3x+12.
C.y=-3x+3va y=3x-12. D. y=2x+3 va y=-2x-12.
Cau 29: Hé sb goc cua tiép tuyén voi do thi ham sé y = x* + x* —2x% +1 tai diém c6 hoanh d6 -1 bang
A. 4. B. 3. C.-3. D. 11.
Céu 30: Goi M la giao diém cua tryc tung v6i d6 thi ham s6 (C):y=+/x*+x+1. Tiép tuyén cta (C) tai
M c6 phuong trinh 1a

A. y:%x+1. B. y:—%x+l. C.y=—x+1. D. y=x+1.

A A A Y X rs o aX 1 . ogi R . \ A T
Cau 31: H¢ s0 goc cua tiép tuyén voi do thi y =tan x tai diém c6 hoanh do x:Z bang

A. 2. B. l C. ﬁ D. 1.
2 2
Céu 32: Phuong trinh tiép tuyén cua do thi ham sé y = x? 1 tai diém c6 hoanh do x=—1 1a
X
A. y=2x+1. B. y=—x+1. C.y=x-1 D. y=—x+2.

Céu 33: Cho ham s6 y=x"—x?+x+1 c6 do thi (C). Tiép tuyén tai diém N cia (C) cat do thi (C) tai
diém tht hai la M (-1;-2). Toa do diém N 1a
A. (7). B. (1;2). C. (0;1). D. (-1;0).

A . Y £ \ £ X c2:R ; \ A 1S c 4 R
Cau 34: Goi d 1a tiép tuyén cua ham s6 y = tai diém c6 hoanh d¢ bang —3. Khi d6 d tao v6i hai truc

xX+2
toa d0 mot tam giac cé dién tich béng
A. % (dvdt). B. % (dvdt). C. %5 (dvdt). D. % (dvdt).

Cau 35: Cho ham s y = %x3 —2x% +3x+1. Phuong trinh tiép tuyén ciia do thi ham s6 tai diém c6 hoanh

d¢ 1a nghiém cua phuong trinh y” =0 la

11 1 1 11
A, y=x+—. B. y=—x——. C. y=x+—. D. y=—x+—.
Y 3 y 3 YT y 3

Céu 36: Goi (C,,) 1a d0 thi cia ham s y =2x* =3(m+1)x* +mx+m+1 va d 1a tiép tuyén cua (C,) tai
diém c6 hoanh d6 x=—1. Gid trj cua tham s6 m dé d di qua diém A(0;8) la

A. m=3. B. m=1. C. m=2. D. m=0.
Dang 2: Lap phwong trinh tiép tuyén ciia d6 thi ham s y= f (x) khi biét h¢ s6 géc
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Bai toan 1: Viét phwong trinh tiép tuyén ciia d6 thi ham s6 khi biét hé s6 goc dwa vao cac quan hé

song song, vudng goc,...
4+ Phuwong phap giai
Thuc hién theo mot trong hai cach sau:
Cach 1:
Buwéc 1. Xac dinh hé s6 goc k cua tiép tuyén
dwa vao gia thiét bai toan.
Buéc 2. Giai phuong trinh f'(x)=k dé tim

X =X, 1a hoanh d¢ cua tiép diem.

Tinh y, = f(xo) = M(xo;yo) .

Khi d6 phuong trinh tiép tuyén can tim 13

yzk(x—xo)+y0

Piém M (xo; yo) 1a tiép diém cua tiép tuyén

v6i d6 thi ham s6 da cho.

Cach 2:

Buwéc 1. Xac dinh hé sd goc k cua tiép tuyén

dwa vao gia thiét bai toan.

Buwéc 2. Vi tiép tuyén co hé sé goc 1a k nén

phuong trinh tiép tuyén c6 dang y=kx+b.

Duya vao diéu kién tiép xuc cua tiép tuyén voi

(C) ta tim gia tri cua b.

Luu y:

- Phuong trinh f ’(x) =k c6 bao nhiéu nghiém

thi c6 by nhiéu tiép diém.

- Mot sé trudng hop xac dinh hé sé goc cua

duong thang thudng gap.

Cho hai duong thang

d:y=kx+b;d,:y=kx+b,.

+ Truong hop I1: d, L d, < k .k, =—1.

+ Truomg hop 2: d, [ /d, < {kl =k
b #b,

+ Truong hop 3: Goc

Vi du: Cho ham s6 y=x’-3x*+2. Lap phuong
trinh tiép tuyén cia dd thi ham sé da cho biét tiép
tuyén song song voi duong thing A:y=9x+2.
Huéng déin gidi

Vi tiép tuyén song song véi A:y=9x+2 nén hé
s6 goc cua tiép tuyén 14 k=9,

Tacé y' =3x"—6x.

x=-1
x=3

Xét phuong trinh 3x* —6x =9 < [
+ V6i x=—1=y=-2= M(-1;-2) c6 phuong
trinh tiép tuyén la y=9(x+1)-2 < y=9x+7.

+ Voi x=3=y=2= N(3;2) c6 phuong trinh
tiép tuyén la y:9(x—3)+2<:>y:9x—25.

Vi tiép tuyén song song voi A:y=9x+2 nén hé
sO goc cuia tiép tuyén 1a k=9..

Phuong trinh tiép tuyén c6 dang (d): y=9x+b
voi b#2.

Vi (d ) :y=9x+b la tiép tuyén ctia d6 thi ham sb
X =3x"+2=9x+b

y=x"=3x>+2 nén
3x° —6x=9

b=17.

Giai h¢ phuong trinh tim dugc
b=-25.

Vay phuong trinh tiép tuyén can tim 1 y=9x+7
hodc y=9x-25.
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kl_k2
1+k.k,

(dd,)=a=tana =

Pac biét:

1. Néu goc gitta d:y =kx+b voi Ox bang
a(0°<a <90°) thi [k|=tana.

2. Néu duodng thiang d cit Ox, Oy tai hai
diém A, Bma OB=m.0OA thi

|k|:tana:%:m
OA

+ Trwong hop 4: Néu duong thang d di qua hai

diém A(xl;yl) va B(x,;y,) thi p=20"Y2
X=X

+ Vidu miu

Vi du 1: Phuong trinh tiép tuyén cta d6 thi ham sé y=x" —3x+1 c6 hé sb goc cua tiép tuyén bang 9 1a

A. y=9x—15 hay y=9x+1.

B. y=9x—15 hay y=9x+17.

C. y=9x—-1hay y=9x+17.

D. y=9x—1 hay y=9x+1.
Huéng din gidi
Tacod y' =3x"—3. Goi M(x,;y,) latiép diem.
Vi hé s6 goc clia tiép tuyén bang 9 nén y’(xo) =9 3x —3=9 x, =+2.
+Véi x, =2 thi y, =3. Phuong trinh tiép tuyén 1a y=9(x-2)+3=9x-15.
+Véi x, =-2 thi y, =-1. Phuong trinh tiép tuyén la y= 9(x+2)-1=9x+17.

Chon B.

Vi du 2: C6 bao nhiéu tiép tuyén cta d6 thi ham s6 y = 2x +11 song song v&i duong thang A:y =x+1?
X+

A.2. B. 3. C.0. D. 1.
Huéng din gidi
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. Do tiép tuyén song song voi duong thang A:y = x+1 nén hé sé goc cia tiép tuyén la

(x+1 :

. . 1 x=0
Xét phuong trinh s=1<
(x+1) x=-2

+Véi x=0 thi y=1.Phuong trinh tiép tuyén 1a y = x+1 (loai vi tring v&i A).
+Véi x =-2 thi y=3. Phuong trinh tiép tuyén1a y=x+5.

Viy c6 mot tiép tuyén song song voi A:y=x+1.

Chon D.

Vi du 3: Goi (C) 1a d6 thi ciia ham s6 y=x*+x. Tiép tuyén cua (C) vuéng goc véi duong thang
d:x+5y=0 c6 phuong trinh 1a
A. y=x+4. B. y=5x-3. C. y=3x-5. D. y=2x-3.
Huéng dén gidi
Tacd y' =4x°+1. Goi k 1a hé s6 goc cua tiép tuyén can tim.
Vi tiép tuyén vudng goc voi duong thang y = —%x nén k. (_?1] =-l<k=5.
Xét phwong trinh 4x° +1=5< x=1=y=2.
Phuong trinh tiép tuyén can tim 1a y = S(x - 1) +2=5x-3.

Chon B.

Vi du 4: Phuong trinh tiép tuyén cta d0 thi ham sé y = x* —3x +1 song song véi truc Ox 1a

A y=3 y=-1. B. y=3,y=-2.
C. x=3x=-1. D. y=2y=-1.
Huéng dén gidi

Do tiép tuyén song song véi truc Ox nén tiép tuyén co tiép diém 1a cac diém cyc tri va c6 phuong trinh
y=y, V6i y, la gia tri cuc trj ciia ham s da cho.

Tacd y'=3x"-3;y =0 x=+1.

Do ham sb d3 cho 12 ham bac ba nén cac diém cuc tri la A(l;—l), B(—l;3) .

Vay phuong trinh cac duong tiép tuyén can im 1a y=—1; y =3.

Chon A.

Vi du 5: Tiép tuyén cta do thi ham sb y=2x° —3x> —12x+1 song song véi duong thing d:12x+y=0
codang y=ax+b.Giatri 2a+b bang

A. 0. B.-23. C. 23 hodc —24. D. 24
Huéng dén gidi
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Tacod y' =6x* —6x—12. Do tiép tuyén song song véi dudng thang d:12x+y=0< y=—12x nén c6 hé
s6 goc k=-12.

Xét phuong trinh 6x* —6x—12 =12 & {x
+Véi x=0 thi y=1.Phuong trinh tiép tuyén 1a y=—12x+1.

+V6i x =1 thi y=—12. Phuong trinh tiép tuyén 1a y= —12(x —1)—12 =—12x (loai vi tiép tuyén tring
v6i duong thang (d)).

Vay tiép tuyén can im1a y=—12x+1=a=-12;b=1=2a+b=-23.

Chon B.

Vi dy 6: Trén do thi (C):y= al
X

-1 , ‘n . X Y4 £ , . , -
c6 bao nhiéu diém M ma ti€p tuyeén cua (C) tai M song song voi

duong thang d:x+y=1?

A. 1. B. 2. C.4. D. 0.
Huéng dan gidi
Taco y' = _—12 .
(x-2)
Do tiép tuyén song song voi duong thing d:x+y=1< y=—x+1 nén hé sé goc cua tiép tuyén la
k=-1.

Xét phuong trinh —;2 =l [x
(x-2)

+ Vi x=1 thi y=0. Phuong trinh tiép tuyén 12 y=—x+1 (loai vi tip tuyén tring voi dudng thang
(d)).

+Véi x=3 thi y=2.Phuong trinh tiép tuyén la y= —(x—3)+2 =—x+5.

Vay c6 mot diem M (3;2) thoa man.

Chon A.

Vi du 7: Cho ham s6 y = ¢6 dd thi 1a (C). Phuong trinh tiép tuyén ciia do thi (C) sao cho tiép tuyén

nay cit céc truc Ox, Oy 1an luot tai cac diém A, B thoa mdn OA = 40B 1a

A, 4 4 B. 4 4
YT RN
C 47 4 D. 4" 4
_ 1B 1B
YT, AR
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Huéng dén gidi
Do tiép tuyén cat Ox, Oy tai hai diém A, B ma OA = 40B.

Khi d6 AOAB vudng tai O va ta ¢ |k|=tan0/A§=%=i<:>k=ii.

Taco: y'=—
(x-1)
. ) | . A
Xét phuong trinh ————— =— (v0 nghi¢m).
(x-1) 4
. . 1 1 x=3
Xét phuong trinh — s=——S
(x—l) 4 x=-1

+Voéi x=3 thi y= % . Phuong trinh tiép tuyén la

1 5 1 13
y——Z(X—3)+§——ZX+Z.

+Voi x=-1thi y= % . Phuong trinh tiép tuyén 1a

3 1 5
y———(x+1)+5——zx+z

: ©aA1x LiA A o aX 1.qs £ 2x+3 . . A A
Vi du 8: Buong thang nao dudi day la tiép tuyen ctia 6 thi ham s6 y = al 5 chan hai truc toa d6 mot
X+

tam giac vudng can?
3
A, y=x+2. B. y=x-2. C.y=—x+2 D.y=—x+§
Huéng din gidi
Goi A, B 1a giao diém cua tiép tuyén lan luot v6i Ox, Oy.
Vi AOAB vuong can tai O nén OA =O0B.

Do do [k =tan0AB =22 1 k=41,
0A

Taco y' = ! >
(x+2)

. . 1 R A
Xét phuong trinh > =—1 (v nghi¢m).
(x+2)

x=-1
Xét phuong trinh =1 @{ .
(x+2) x=-3

+Véi x=—1 thi y=1. Phuong trinh tiép tuyén la y:(x+1)+1:x+2.
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+Véi x =-3 thi y=3. Phuong trinh tiép tuyén la y:(x+3)+3:x+6.
Chon A.
Vi dy 9: Cho ham s6 y :%m‘ +(m=1)x*+(4=3m)x+1 c6 dd thi la (C, ). Tét cd céc gia tri thyc cia

tham s6 m dé trén do thi (Cm) ton tai mot diém duy nhat c6 hoanh do 4m ma tiép tuyén tai d6 vudéng goc

v6i duong thang d:x+2y—3=0 la

A.m < 12 hodc m>%. B. m <0 hodcm > 1.

. 1 . 2

C.m <0 hoac m>§. D.m<0hoacm>§.
Huéng din gidi

Ta co: d:x+2y—3:O<:>y:—%x+% nén hé sb goc cua d 1a —%.

Do tiép tuyén vudng goc véi d nén hé s goc cua tiép tuyén 1a k thi

k.(—lj =l k=2
2

Goi M (xo;yo) la tiép diém cua tiép tuyén voi (Cm) thi x,

, la nghiém cua phuong trinh

y =k < mx’ +2(m—l)x+4—3m=2.

< mx’? +2(m—1)x+2—3m=0(*)

Theo bai toan thi ta phai tim m dé (*) c6 duy nhat mot nghiém am.
+ Truong hop 1: Néu m =0 thi (*) < —2x=-2< x=1 (loai).

+ Truong hop 2: Néu m # 0 . Ta thiy phuong trinh (*) c6 hai nghiém 1a x=1 va x = ﬂ
m

Do dé dé (*) c6 mot nghiém am thi 2—>"

<0< m<0 hoac m>%.
m 3

Chon D.
Vi du 10: Biét tiép tuyén cta d6 thi ham sé y=ax*+bx’ +2 tai diém A(-L1) vudng goc véi duong

thang d:x—2y+3=0 . Gia tri a* —b* bang

A. 13. B. 2. C.-5. D. 10.
Huéng din gidi
. 1 3 . 1
Taco: d:x-2y+3=0&y=—x+—nén k, =—
2 2 2

Vi tiép tuyén vudng goc v6i d nén phai co hé sb goc bang —2.

Taco y' =4ax’ +2bx =2x(2ax* +b)
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Vi diém A(—l; 1) 1a tiép diém cuia tiép tuyén v6i do thi nén x = —1 1 nghiém cta phuong trinh
2x(2ax* +b)=2=>-2(2a+b)=-2<2a+b=1.

Mit khéac diém A thudc do thi ham sd nén a+b+2=1<a+b=-1.

2a+b=1 a=2
=
a+b=-1

=a*-b*=-5.

Vay ta co hé¢ {
Chon C.
Vi du 11: Cho ham s6 y=x’—3x* —9x+1 c6 do thi 1a (C). S tiép tuyén cia (C) tao véi duong thang

A o 5,
d:y=-x+1 mot goc o thoa min cosa =—= la

Jal
Al B.2. C.3. D. 4.
Huéng din gidi

Goi k 1a hé s goc cua tiép tuyen can tim.

5 /
Tacod cosa = O°<a<90° =tana =
\/41( c

os’
k=-9
Vid c6 hé s6 goc bang —1 nén tana = ‘ 1

Taco y' =3x"-6x-9.

+ Trudng hop 1: k:—9<:>x2—2x:0<:>[x
X =

Ttr d6 ta tim duogc hai tiép tuyén y=-9x+1 va y=—9x—3 .

9++/321
9

+ Truong hop 2: k:—éc>27x2—54x—8020<:>x:

4 , +
Tir do ta tim duoc hai tiép tuyén la y = —é[x_g—gi}ry(xo)

Viay c6 bon tiép tuyén can tim.

Chon D.
Vi du 12: Cho ham sé y= %x4 —%xz ¢ d6 thi (C). C6 bao nhiéu diém A thudc d6 thi (C) sao cho tiép

tuyén cta (C) tai A cit (C) tai hai diém phéan bigt M (X1§ )’1)§ N (xz; yz) ( M, N khac A ) thoa man

Y=Y :3()(1 _xz)

A. 0. B. 2. C.3. D. 1.
Huéng dén gidi
Do tiép tuyén di qua hai diém M (x,;y,); N(x,;,) nén hé s6 goc clia tiép tuyén 1a k = N7 3
XX
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Taco y' :lx3 —Zx :
2 2

Xét phuong trinh %x3 —%x =3 x=3x=-1, x=-2.

Mit khac dé tiép tuyén ciia ham s6 tring phuong cét dugc do thi tai hai diém phan biét thi tiép diém A chi
c6 thé chay trong phan d thi tir diém cuyc tiéu thir nhat sang diém cuc tiéu thir hai (trir hai diém udn).

x=0

Khi d6 phwong trinh y' =0 x* -7x =0

xzi\ﬁ

Do d6 hai diém cuc tiula x=—VJ7 va x= \/7 nén hoanh d6 cua tiép diém X, € (—\/7 ;\/7 )

Vay chi c6 x, =—1; x, =2 théa man.

Chon B.

Bai toan 2: Viét phwong trinh tiép tuyén ciia dd thi ham sé y =

tuyén voi cac dwong ti€ém cin cia do thi ham so

4+ Phwong phap giai

el X ax+b
Voi ham so y =
cx+d

(voi
c#0; ad—bc #0) thi do thi ham s6 c6 hai

A a s d a
tiemcgnla x=——; y=—.
c c

. d a N .2 P . \
Goi I(——;—j la giao diém cua hai duong
cc
tiém cdn (va ciing la tam doi xirng ciia do thi).
Khi d6 tiép tuyén tai diém M (xo;yo) bat ki
ctia d6 thi cdt tiém cdn ditng tai diém
A(— d 2bc—ad +acx,

—; va cdt tiém can
¢ c(cx0 +d)

ngang tai diém B (2)(0 + ﬂ;_] )

ax+b

khi biét modi quan hé caa tiép
cx+d

Vi du: Cho ham sé y=22 "1 6 @ thi 1a (C).

X—
Phuong trinh tiép tuyén tai diém M thudc (C) sao
cho tiép tuyén d6 vudng goc voi IM, 1 1a tam ddi
xung cua (C) la

A, y=—x+3, y=—x+5.

B. y=—x+1, y=—x+3.

C.y=—x+1, y=—x+5.

D.y=—x+1, y=—x+4.
Huéng déin gidi
Gid sir M(x,;y,) 1a tiép diem,
Goi A, B 1a giao diém cua tiép tuyén vO1 tiém can

dang va tiém can ngang cua do thi.

¢ c Theo 1y thuyét trén thi M 1a trung diém ctia AB. Do
2(aa’—bc) 2(ch +d) AIABvuong tai I ma IM 1 AB nén AIAB vudng
Ta co IA = ; IB = ) ) . Ny :
c(cxo + ) c can tai I < JA =1IB khi d6 hé s6 goc cua ti€p tuyén
4|ad—bc| . 5 p 3 lé. k:il.
= IAIB=————=K la hang so khong B
¢ Ma k=y'(x,)= ~<0nén k=-1.
doi. % —1
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Suyra S, = —2|ad2—bc| .
c
Khi dé cac bai toan sau la twong duwong:
Tim diém M (C ) hoic viét phuong trinh
tiép tuyén cia (C) biét tiép tuyén tao voi hai
tiém can mogt tam giac vuodng cod
a) Canh huyén nhé nhit
AB =+IA*> + IB> > \2IA.IB =\2K
Dau bang xay ra khi JA=IB.
b) Chu vi nhé nhat

Taco

IA+IB+ AB > 2IAIB +\2IA.IB = 2K +\2K
Dau bang xay ra khi JA=1IB.

¢) Bdn kinh dwong tron ngogi tiép nhé nhit

Tacod RzlABZ\/E.
2 2

Dau bang xay ra khi JA =IB.

d) Bin kinh dwong tron ngi tiép lén nhit

, S K
Taco r=—=————
p IA+IB+AB

Vay r 16n nhat khi /A + IB+ AB nho nhét

va bang 2K +2K .

Dau bang xay ra khi A =IB.

e) Khodng cdch tiv I dén tiép tuyén lén nhit
Goi H 14 hinh chiéu cua I 1én d, ta c¢6

11 1. 2 2 K
= > =S IH< &
IH* IA*> IB* T IAIB K 2

Dau bang xay ra khi JA=IB.

Nhén xét: Cac cau hoi trén thi dang thirc déu
xay ra khi /A =IB nén AIAB vuong can tai [.
Goi a 1a goc giira tiép tuyén d va tiém can ngang
A, thi a= (d;AZ) = (d;Ox) =45° nén hé sb goc

clia tiép tuyén 1a k = +tan45°=+1.

4+ Vidu miu

— X, =
Vay ta c6 phuong trinh —12 =-le|

X, —1 Xo =
+ Véi x, =0 thi y, =1. Do d6 phuong trinh tiép
tuyénla y=—x+1.
+ V6i x, =2 thi y, =3. Do d6 phuong trinh tiép
tuyén la y=—x+5.
Chon C.

TOANMATH.com

Trang 26



Vidu 1: Cho ham s6 y = x—+i ¢6 dd thi (C). C6 bao nhiéu cip diém A, B thudc (C) ma tiép tuyén tai do
e

song song v&i nhau?

A. Khéng ton tai cip diém do. B. V6 s6 s6 cap diém.
C.2. D. 1.
Huéng din gidi

Gia sir A(a;“—”j, B(b,%} voia#b ab#1.

a—

- X £ . ‘e ~ ' , -2 -2 a=b
Do tiép tuyén tai A, B song song v6éi nhau nén y (a) =y (b) & = = be2
a+b=

(@1 (1)

Do a#b nénchicod a+b=2.Vay co vo so cip di€ém A, B théa man.

Chon B.

ax+b

Nhén xét: Hai diém A, B phén biét thuéc do thi ham so y = ma tiép tuyén tai dé song song voi

cx+d

nhau thi A, B d6i xitng véi nhau qua tam doi xirng 1.

Vi du 2: Tiép tuyén cua dd thi ham sd y= cung voi hai tiém can tao thanh mét tam giac c6 dién

2x+1
tich bang
A. 6. B.7. C.5. D. 4.
Huéng din gidi
Goi M(x,;y,) 1a tiép diém cua tiép tuyén v6i d6 thi. Khi d6 tiép tuyén tai M cét hai tiém can tai A, B va I
la giao diém cua hai tiém can.
, o 2|4+6|
Theo ly thuyét da néu thi S,,,, = 7 5.

Chon C.

2 _11 ¢ dd thi (©). Tiép tuyén tai diém M(a;b) € (C), a >0 tao vo1 hai tiém

Vi du 3: Cho ham s6 y=

can ctia (C) mdt tam giac co ban kinh dudng tron ngoai tiép bang V2. Gia tri cia a +2b bang
A. 2. B. 4. C.8. D. 5.
Huéng din gidi
Goi A, B la giao diém cua tiép myén voi hai duong tiém can va I 1a giao diém cua hai duong tiém can. Do
AIAB vubdng tai I nén ban kinh dudng tron ngoai tiép AIAB 1a R = %AB =2 <o AB=22.
Theo 1y thuyét, ta c6 JA.IB =4, AB =+IA> + IB* >~2IA.IB =22 .

Dau " =" xay ra khi JA = IB . Khi d6 hé s6 goc cua tiép tuyén k==+1.

Mat khac kzy'(a)z— <0=k=-1.

2

(a1)
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Taco —

-0
:—1@{“ ,-Doa>0=a=2=b=3. Viy a+2b=8.
a

Chon C.

2x+m

Vi du 4: Goi (C) 1a d6 thi ctia ham s§ y = , m 1a tham sd khac —4 va d 1a mot tiép tuyén cua (C).

x=2
Goi S 1a tép cac gia tri thuc cia tham s6 m dé d tao véi hai duong ti€m can cua (C) mét tam giac co dién
tich bang 2, tong gié tri cac phan tir ciia S bang

A.—-11. B. 8. C.3. D.-8.
Huéng dén gidi

Goi A, B lan luot la cac giao diém cua tiép tuyén vdi hai duong ti€ém can va I 1a giao diém cua hai tiém

can.

Theo 1y thuyét, ta co IA.IB =4|m+4|=S,,,, =2|m+4|
m=-3

Vay ta c6 2|m+4|:2<:>[
m=-5

=S5= {—5;—3} nén tong cac phan tir cia S bang 8.

Chon D.

sao cho

, . Y £ - o2:R PP PP \ £ +2
Vi du 5: Goi A la tiép tuyen tai diem M (xo; Yo )sX, <0 thudc do thi cua ham so y= al 0
X+

khoang cach tir / (—l;l) dén A dat gia tri 16n nhat. Gia trj x,.y, bang

A. -1 B. 0. C.-2. D.2.
Huéng dén gidi

Goi A, B la giao diém cua A vdi hai duong tiém can.

Theo ly thuyét d(/;A) 16n nhat khi JA=IB = k=+1.

Mat khac kzy'(xo):—;<0:>k=—l.

Do x,<0=x,=-2=y,=0=x,.y,=0.
Chon B.
2

Vi du 6: Cho ham s6 y= 20+ ¢6 @6 thi 1a (C). Phuong trinh tiép tuyén ciia (C) tao voi hai tiém cén

X—

mot tam giac c6 chu vi nho nhét 1a
A.Aiy=—x—-1vaA:y=—x+17
B.A:y=—x—-1vaA:y=—x+7
C.Aiy=—x-21vaA:y=—x+7
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D.Aty=—x-3vaA:y=—x+2
Huéng dén gidi
Goi A, B la giao diém cua tiép tuyén tai diém M (xo; yo) € (C ) v6i hai tiém cén va I 1a giao diém cua hai

duong tiém can. Khi d6 AIAB vudng tai I.

4|aa’—bc| _16

2
C

Theo 1y thuyét, chu vi AIAB 1a IA+IB+ AB > 2\JIA.IB +~/2IAIB =8+4~/2 vi IA.IB =

Do d6 chu vi nho nhét bing 8+4+/2 khi JA=IB = k==I.

Mat khac kzy'(xo):—L)<03k=—l.
x,—1

4 X,
Vay ta co ——2:—1(:}{
xO—l) X

Véi x, =3 thi y,=4. Do d6 phuong trinh tiép tuyén la y=—(x-3)+4=—x+7
Véi x, =1 thi y, =0. Do d6 phuong trinh tiép tuyén 1a y = —(x +1) =—x-1
Chon B.

Vi du 7: Cho ham s6 y = 2x +12 c6 dd thi (C). Mot tiép tuyén bat ky véi (C) cat dudng tiém can ding va

duong ti€ém can ngang cua (C) lan luot tai A va B, biét [ (1;2) . Gia tri 16n nhit cta ban kinh dudng tron
ndi tiép tam giac IAB bang

A T-32. B.8-42. C. 4-2\2 D. 8-3\2
Huéng dén gidi
Goi A, B la giao diém cua tiép tuyén tai diém M (xo; yO) € (C ) v6i hai tiém cén va I 1a giao diém cua hai
duong tiém can va AIAB vudng tai I.
4|ad - bc|

2
c

Theo ly thuyét, ta c6 IA.IB = =16=S,,, =8.

Khi d6 ban kinh duong tron ndi tiép AIAB 16n nhét xay ra khi

JA=IB=4= AB=d2 = p=ATIB+AB_\ »h

Chon C.

¢6 dd thi (C). Phuong trinh tiép tuyén cua (C) tao voi hai truc toa d6 mot

Vi du 8: Cho ham sé y= 2x
x+2

tam giac c6 dién tich bang % la
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Huéng din gidi
Goi M (a; GZJ(a #—2) la tiep diém cua ticp tuyén. Khi d6 phuong trinh tiép tuyen d cua (C) tai M 1a
a+

y=y’(a)(x—a)+ 2a S y= 4 (x—a)+ 2a

a+?2 (a+2)2 a+2’

Goi A, B lan luot 13 cac giao diém cua d vé6i hai truc Ox, Oy.

2 2
Toa do céc diém A, B la A(—%;OJ,B(O; 24 2].

(a+2)
4 2 a=1
A 1 a 1 3a°=a+2
Vay S,y =—OAOB=——5=—& 5 2
2 2(a+2) 18 3a°=—a-2 a——g

Vi du 9: Cho ham sé y = ;x_

5 c6 do thi (C). Goi M (xo; yo), X, >0 1a diém thudc (C), biét tiép tuyén

cua (C)taiM cit tiém can dirng va ti€ém cén ngang lan luot tai A va B sao cho S 8S, o (11a giao hai

AOIB —

duong tiém can). Gié trj biéu thie S = x, —4y, bang

A B. 2. C.2. p. L.
4 4
VA
4
A
M
2:
1 I
] /B\ N
-1 O 1 2 3
ER1 A
Huéng din gidi
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Dogéc@z@némﬁﬂ:ﬂ:l.
SAOIB I 8
Mé|k|:tanﬁ>’1\4:ﬂnén|k|=l<:>k=il.
IB 8 8
< 11 , -2 1
Matkhack:y(xo)=—2<0:k:——
4(x, 1) 8
-1 1 [%:3
= s=——S
2(x, 1) 8 X =-1

Do x, >0 nén xo:3:>}’o:§:>‘s:xo_4}’o =-2

Chon B.

Vi du 10: Cho ham s y = ¢6 d6 thi 1a (C). Phuong trinh tiép tuyén tai diém M thudc (C) cit tiém

X —

can ding va tiém can ngang lan luot tai A, B sao cho cdsin g6c¢ XB\I b?mg i voi [ (2;2) la

J17
1 3 1 7
Al y=—x——;y=——x——
Y 4 2 Y 4 2
1 3 1 7
B.y=—-x-=;y=—-x+—
YT YT
1 3
C.y=—x+—;y=—-x——
Y 4 2 Y 4
1 3 17
T
Huéng din gidi:
, — 1 1 1
Ta co |k|:tanABI: ——l=—= k=%
cos” ABI 4 4
o . , -1 1
Gia su M(xo;yo)e(C) thi k=y (x0)=—2<0:k:——.
(% -2) 4
. . -1 1 x,=0
Xét phuong trinh ———=-—<
(xo_z) 4 x, =4
. . 3 N 2 1s 1 3
+Vo6i x, =0 thi y, 25. Phuong trinh tiép tuyén 1a y:—zx+5.
. . 5 N IR 1 5 17
+Vo6i x, =4 thi y, =5 Phuong trinh tiép tuyén la y:—Z(x—4)+5:—Zx+§

Chon D.
+ Bai tap tu luyén dang 2
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2 j— N 7 I3
Cau 1: Cho ham sb y= X—XIH c6 do thi (C). Phuong trinh tiép tuyen cua (C) song song voi dudong
x J—

thang A:3x—4y+1=0 1a

3 3 3 3 3 5
A y=—x-9; y==—x+7. B. y=—x-—;y=—x+—
YRR YRR
3 3 3 3 3 5
C.y=—x——;y=—x+1. D.y=—x-3;, y=—x+—
YT Ty YT
Céau 2: Phuong trinh tiép tuyén ctia d6 thi ham s6 y=x* —=3x+1 c6 hé s6 goc ciia tiép tuyén bang 9 1a
A. y=9x—-13 hay y=9x+1 B. y=9x—13 hay y=9x+17
C. y=9x-1hay y=9x+17 D. y=9x—-1 hay y=9x+1

Ciéu 3: C6 bao nhiéu tiép tuyén cua do thi ham sé y = 2% +11 song song véi dudong thang A:y=x+1?
X+

A. 2. B. 3. C.0. D. 1.
Cau 4: Goi (C) 1a @6 thi cua ham s6 y=x*+x. Tiép tuyén cia (C) vudng goc véi dudng thing
d:x+5y=0 c6 phuong trinh la

A y=x+4 B. y=5x-3 C. y=3x-5 D. y=2x-3

Céau 5: Phuong trinh tiép tuyén cta do thi ham sé y = 2% +21 song song véi dudng thing 3x—y+2=0 1a

A. y=3x+14. B. y=3x+14, y=3x+2.

C. y=3x+5, y=3x-8. D. y=3x-8.
Cau 6: C6 bao nhiéu diém M thudc dd thi ham sb f (x) =x" +1 sao cho tiép tuyén ctia d6 thi ham sb tai
M song song v6i duong thing d:y=3x—1?

A. 1. B. 2. C.0. D. 3.

3

Céu 7: Cho ham s6 y = %+ 3x* —2 ¢6 db thi 1a (C). Phuong trinh tiép tuyén cia (C) c6 hé s6 goc
k=-9 la

A.y=-9(x+3).  B.y-16=-9(x+3). C.y+16=-9(x+3)  D. y-16=-9(x-3)
Cau 8: Cho ham s6 y=x*—3x +2. Phuong trinh tiép tuyén ctia d6 thi ham s6 vudng goc véi dudng

. 1
thang d:y=——x+2019 la

gy 45

A. y=-45x+83. B. y=45x+173 C. y=45x-83 D. y=45x-173
Cau 9: Phuong trinh tiép tuyén cta d0 thi ham s6 y = x* +3x% —8x+1 song song v6i duong thing
A:y=x+2017 la

A. y=x-2018. B. y=x+2018. C. y=x+4. D. y=x-4; y=x+28.

3
Cau 10: Phuong trinh tiép tuyén cta dd thi ham sb y :%—sz +x+2 song song voi duong thing

y=-2x+51a
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A. y=—2x+? va y=-2x+2 B. y=-2x+3va y=-2x-1

C.y=—2x+4va y=-2x-2 D.y=—2x—% va y=-2x-2

Céau 11: Phuong trinh tiép tuyén cua do thi ham s6 y = x* —3x +1 vudng goc vai truc Oy la
A, y=3,y=-1. B. y=3,y=-2. C. x=3,x=-1. D. y=2,y=-1.

2
X

Cau 12: Goi (C) 1a d0 thi ciia ham s6 y= . Phuong trinh tiép tuyén ciia (C) vudng goc voi duong

thang y:§x+l la

A x=—E —2,)7=—§x—l B.x=—§x,y=—§x—l
4 2 4 2
C. x=§x—2, yzgx—l. D. x=——x—z, yz—gx—l.
4 2 4 2 4 2 4 2
Céu 13: Phuong trinh tiép tuyén cta do thi ham sd y = 2_x1 ¢6 hé sb goc bang -2 1a
x_
A y=-2x+2,y=-2x+4. B. y=-2x+9, y=-2x.
C. y=-2x+8, y=-2x. D. y=-2x+1, y=-2x.

Cau 14: Cho ham sb y= 23 —6x%+3 co dd thi 1a (C). Tiép tuyén cua (C) song song vdi dudong théng
y=18x—-51 c6 phuong trinh Ia

—18x—13 —18x+13
B[y o D[y o

A. y=18x+3. . C. y=18x-51.
y=18x+51 y=18x-51

Cau 15: Cho ham s§ y=>"_"
x+1

6 db thi (Cm ) . Gia tri tham sb thuc m dé tiép tuyén cua (C) tai diém co

hoanh d6 bang 0 song song véi dudng thing y=3x+1 1a
A. m=-2. B. m=3. C. m=2. D. m=1.

Céu 16: Cho ham s0 y = %mf +(m—1)x*+(4=3m)x+1 c6 do thi 1a (C, ). Tap hop cac gia tri thyc cia

tham s6 m d¢é trén do thi (C,,) ton tai ding hai diém c6 hoanh do duong ma tiép tuyén tai d6 vudng goc
v6i duong thing d:x+2y—3=0 la

SR SAE R CIC I R C

Céu 17: Tat ca cac gia tri thuc cua tham s6 m dé dd thi ham s6 y = %mﬁ +(m-1)x*+(3m—4)x+1 co

diém ma tiép tuyén tai d6 vuéng goc voi duong thang x—y+2019=0 la

A. —%<m<1. B. m<1. C. —%Sm. D. —lSmsl.
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Cau 18: Cho ham s6 y= 2x 23 ¢6 do thi (C). Biét tiép tuyén tai mot diém M bét ky ciia (C) ludn cat hai

tiém cén cua (C) tai A va B. Do dai ngin nhat ctia doan thing AB bang

A 242 B. 2. C.2. D. 4.

Céu 19: Cho ham s6 y= 2x +11 ¢ d6 thi (C). Goi S 1a tap hop cac gia tri thyc cta tham sb m dé duong
X+
thang (a’ ) :y=x+m cat (C) tai hai diém phan biét A, B sao cho tiép tuyén cta (C) tai A va B lan luot co

A A r \ I3 ~ 1 1 A ’ L4 s LA 5 ’ A 5 5
hé s0 goc 1a k,, k, thoa man —+—+2(k, +k,)=2019k""k,""". Tong cac gia tri tat ca cac phan tir ciia S
1 2

bang
A. 3. B. 0. C.o. D. 2018.
Ciau 20: Goi (d) 1a tiép tuyén cua do thi (C ) 1y= 2x =3 tai M . Puong thang (d) cat cic duong tiém can
x —_—

tai hai diém phan biét A, B. Toa do diém M sao cho duong tron ngoai tiép tam giac IAB c6 di¢n tich nho
nhat, voi I la giao diém hai tiém can la

A. M(l;l);M(4;§j. B. M(1;1);M(3;3). C. M(l;l);M(—l;gj. D. M(4;§j;M(3;3)

X

. -2 X L : . .
Cau 21: Cho ham s0 y = : c6 do thi (C). Tiep tuyén A cua (C) tao véi hai duong ti€ém can mot tam
X+

giac c6 ban kinh duong tron ndi tiép 16n nhat. Khoang cach tir tim d6i xtmg ctia d6 thi (C) &én A bang

A. 6. B. 246 C. 243. D. 3

x—1

CAu 22: Cho ham sb y= 3 Goi I 1a giao diém cua hai tiém c4n d thi ham sd. Khoang cach tur I dén

x —_—
tiép tuyén ctia d6 thi ham sé d cho dat gia tri 16n nhét bang

A L B. 1. C. 2. D. 5.

V2

CAu 23: Cho ham s y =

2(xx+l)

tiép tuyén cia (C) tai diém M cét tryc hoanh, truc tung lan luot tai hai diém phan biét A, B va tam giac

c6 dd thi (C). Goi diém M (x,;y,) v6i x, >—1 1a diém thudc (C), biét

OAB c6 trong tim G nam trén duong thang d : 4x +y=0. Gia tri cia X, +2Y, bang
A -2 B. L. c.2. 7
2 2 2 2

2mx+3

Céu 24: Cho ham s y = . Goi I 1a giao diém cuia hai tiém can cua (C). Tat ca cac gia tri thuc cta

x—m
tham s6 m dé tiép tuyén tai mot diém bat ki cta © cit hai tiém can tai A va B sao cho AIAB c6 dién tich
§$=221la

A. m=15. B. m=416. C. m==%2. D. m=+4

Céu 25: Cho ham sé y = —xl ¢6 db thi (C). C6 bao nhiéu diém M (C) sao cho tiép tuyén tai M cua
X+

(©) cit Ox, Oy tai A, B sao cho dién tich tam gidc OAB béng i, vo1 0 la géc toa do?
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A. 1. B. 2.

Cau 26: Cho ham s6 y =211

x—1

C.3. D. 4.

. Tt ca cac diém M, N trén hai nhanh cta d6 thi (C) sao cho cac tiép

tuyén tai M va N cét hai duong tiém can tai bdn diém 18p thanh mot hinh thang 1a

A. M(2;5), N(0;—1). B. M(3;%j, N(—I;E

Céu 27: Cho ham sb y= 2x-

J. C. M(2;5),N(-1;%J. D. V&i moi M, N,

3 ¢6 do thi (C). Mot tiép tuyén cua (C) cit hai tiém can cia (C) tai hai

diém A, B théa man AB =2+/2 . Hé s goc ciia tip tuyén dé bing

A.-2. B. —l.

2

C.-1. D. 2.

Dang 3: Lip phwong trinh tiép tuyén ciia dd thi ham s6 y= f(x) di qua diém M cho truée

Bai toan 1. Lap phuong trinh tiép tuyén ciia dd thi ham sé y= f(x) di qua diém M (x,;y,) cho

trude.

4+ Phuwong phap giai
Thuc hién mdt trong hai cach sau
Cach 1:
Buéc 1. Gia st tiép tuyén co hé sb goc k, khi
d6 phuong trinh tiép tuyén c6 dang
y= k(x—x0)+y0.
Buwdc 2. Tim k 1a nghiém cua h¢ phuong trinh
{f(x) = k(x—xo)+y0

f (x) =k

Tir d6 suy ra phuong trinh cua tiép tuyén.
Cach 2:
Buéc 1. Gia st A(a; f(a)) 1a tiép diém cua
tiép tuyén voi dd thi ham s di cho nén
phuong trinh tiép tuyén tai diém A la
y=f"(a)(x—a)+f(a).
Buwiéc 2. Do tiép tuyén di qua M (xo; yo) nén a
la nghiém cua phuong trinh
f’(a)(xo —a)+f(a) =Y,-

Tim a va suy ra phuong trinh tiép tuyén.

Vi du: Phuong trinh tiép tuyén cua d6 thi ham s

y=x3+3x2—6x+1 di qua diém N(O;l) Ia

A. y=—37r3x+2.
B. y=—34—3x+11
C. y=—34—3x+12
D. y=—37r3x+1

Huéng dén gidi

Gia sir tiép tuyén co hé s6 goc k.

Vi tiép tuyén di qua N (0;1) nén phuong trinh tiép
tuyén c6 dang y =kx +1.

k 1a nghiém cua h¢ phuong trinh

X 4+3x7 —6x+1=kx+1 k=-6
) IS 33.
k=3x"+6x-6 kz—Z

Phuong trinh tiép tuyén can tim 1a y =—6x +1 hoic

TOANMATH.com

Trang 35



Goi M(x,;y,) la tiép diém cua tiép tuyén véi do
thi ham s6 da cho. Taco y' =3x> +6x—6.
Phuong trinh tiép tuyén cin tim c¢6 dang
y= (3x§ +6x, —6)(x—xo)+x8 +3x§ —6x,+1.
Vi tiép tuyén di qua N (0;1) nén ta co
(3x§ +6x,— 6)(—x0 ) +x, +3x; —6x,+1=1
x,=0

< 2x +3x =0 3

e V6i x,=0=y,=1; y'(0)=—6 nén phuong

trinh tiép tuyén 1a y=—6x+1.

e Vdix, :_%3)’0 =—:y'(x,)=—=" nén

phuong trinh tiép tuyén 1a y = —%x +1.

Chon D.
4+ Vidu miu
Vi dy 1: Cho dd thi ham s6 (C):y= ~**1 ¢4 bao nhicu tiép tuyén cta do thi ham sé di qua diém
x—
A(2:-1)?
A. 2. B. 0. C. 1. D. 3.
Huéng din gidi
Taco y' = Vx#2.

(x-2)"

—x,+1

Goi toa do tiép diém 1a M [xo; J voi x, #2. Khi d6 phuong trinh tiép tuyén ciia do thi (C) tai

Xo —

2 1 —x, +1
dietmMla y=——(x—x,)+ ARy
X, —2

() _2)2

Do tiép tuyén di qua diém A(2;—1) nén ta c6 phuong trinh

(2_x0) X+l _ o 0

=—1 ( v0 nghiém).
(x0—2)2 X, —2 X, =2

Viay khong co tiép tuyén thoa man yéu cau dé bai.

Chon B.
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~ p F ORI BN £ ax+b .. .. ¢ A L ) X g1y £ 4. .2
Nhdn xét: Doi voi do thi ham so y = thi khong co tiép tuyén nao cua do thi ham so di qua diém

cx+d

d a .. .2 , . \ A n
1 (——;—j la giao diém cua hai dwong tiém cdn.
c c

Vi du 2: Cho ham s6 y = %x“ —3y7 —% 6 d6 thi (C). C6 bao nhiéu tiép tuyén ctia do thi (C) di qua diém

A(O;Ej ?
2

Al B.2. C.3. D. 4.
Huéng dén gidi

Phuong trinh duong thang A di qua diém A(O;%] va c6 hé s6 goc k c6 dang y = kx +% .

, » ) lx“—'g’xz+§:kx+é (1) .
bé A tiep xtc voi (C) thi h¢ phuong trinh 2 2 2 c6 nghiém x.
2x°—6x=k (2)

. 1 3 3
Thé (2) vao (1), taco —x* —=3x +==(2x" —6x)x+=
(2) véo (1) > = Jx+3

x:i\/a'

@xz(x2—2)=0<:>
‘o 3

+ Vo1 x=0:k=0:A1:y=5.

+Véi x=\53k=—2\/§:>A2:y=—2\Ex+%.

+Véi x:—ﬁ:k:2\/§:>A3:y:2\/§x+%

Vay c6 ba tiép tuyén thoa man.

Chon C.

Bai to4n 2: X4c dinh cdc diém M dé c6 k tiép tuyén ciia d6 thi ham sb (C): y = f(x) di qua diém M
4+ Phuwong phap giai

Thuc hién theo cac budc sau:

Vi du: Cho ham s6 y= 2 6 db thi (C) va

Buée 1. Xay dyng toa do diem M (a;b).

Buéc 2. Gia sir d 1a dudng thing di qua M va dién A(a:1). Goi S 1a tp hop céc gid trj thyc cia

c6 hé sé goc k. Khi d6 phuong trinh duong tham s6 a dé c6 dung mot tiép tuyén cua (C) di qua
thing d:y = k(x—a) b A. Tong tat ca cac phan tir cia S bang
Buwéc 3. Bé d 1a tiép tuyén cua (C) thi hé A. %
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phuong trinh (*){;, co

nghiém.

Dua vao sb nghiém cta h¢ trén suy ra sb
tiép tuyén tuong mg bai toan yéu cu.
Nhdn xét:

- Néu f(x) 1a ham s6 bac 2, bac 3, bac
nhit trén bac nhat thi hé (*) c6 bao nhiéu
nghiém thi tuong tmg vi bay nhiéu tiép tuyén.

- Néu f(x) 1a ham s6 tring phuong c6 3
diém cyc tri thi néu hé (*) c6 nghiém khéng
phai 1a hoanh d6 cua 2 diém cuc tiéu (cuc dai)
thi mdi nghiém ung vdi mot tiép tuyén cua do

thi (C).

4+ Vidu miu

C.

e SH A A

D.

Huéng dén gidi

Tacd y'=—

Az Alal).

Duong thing d qua A(a;1) c6 hé sb goc k 6
phuong trinh 1a y=k(x—a)+1.
Pé c6 duy nhat mot duong thang d 1a tiép tuyén cia

(C) thi hé¢ phuong trinh sau c¢6 nghiém duy nhat

k(x—a)+1 = _;C_+12 (1)

-1 —x+2
— 1:
(X_I)Z (x a)+ x_l

Thé (2) vao (1) ta co

<:>2x2—6x+a+320(x¢1)(3)

Dé hé phuong trinh trén c6 nghiém duy nhét thi

phuong trinh (3) ¢6 nghiém duy nhat khéc 1.

+ Trudong hop 1: (3) c6 nghiém kép khac 1
{A’:9—2a—6=0 3

= Sa=—
2—-6+a+3=0 2

+ Truong hop 2: (3) c6 hai nghiém phan biét, trong
d6 c6 mot nghiém bang 1.

A'=3-2a>0
=
a-1=0

=a=1

Vay S = {%;1} nén tong cac phan tir bang g .

Chon B.

Vidy 1: Cho ham s6 y=—x’+6x” +2 ¢6 do thi (C) va diém M (m;2). Goi S 1a thp hop céc gia trj thyuc

ctia m dé qua M c¢6 hai tiép tuyén véi do thi (C).

TOANMATH.com

Trang 38



Tong cac phan tir ciia S bang

AL B. 1 C. 4. p. 10
3 2 3
Huéng dén gidi

Goi d 1a duong thang di qua M(m;2) va co hé s6 goc k.
Khi d6 phuong trinh ciad 1a y= k(x —m)+2 .
Dé c6 dung hai tiép tuyén cua (C) di qua M thi hé phuong trinh

k=-3x"+12x ) ) . .
phai c6 hai nghiém phan biét.

—x* +6x7 +2=k(x—m)+2
Tir hé trén, ta c6 —x* +6x° +2 =(-3x" +12x)(x —m) +2

x=0

2 _ =
& x[ 207 =3(m+2)x+12m =0 2> =3(m+2)x+12m=0 (¥)

Pé hé co ding hai nghiém, ta xét cac trudng hop sau

+ Truong hop 1: Phuong trinh (*) c6 nghiém kép khac 0

A=9(m+2) ~9%6m=0 _|"™=°
= = 7.
12m 0 m=3

+ Trudng hop 2: Phuong trinh (*) ¢6 hai nghiém phan biét trong d6 c6 mot nghiém bang 0

2
@{A—9(m+2) ~96m>0_

12m=0
A 2 AR . s 20
Vay S = 6;5;0 nén tong cac phan tir bang 3

Chon A.

Vi du 2: Cho ham s6 v/ x> —=2x+3 ¢ d6 thi (C) va diém A(l;a) . C6 bao nhiéu gia tri nguyén cua a dé co

dung hai tiép tuyén cua (C) di qua A ?
A. 3. B. 2. C. 1 D. 4.
Huéng dén gidi

x—1

\/x2—2x+3'

Taco ham s6 y=+/x*—2x+3 xdcdinhtrén R, y' =

Goi k 12 hé s6 goc ciia duong thang A di qua A(l;a) .
Phuong trinh duong thing A:y = k(x —1) +a.

Puong thang A tiép xuc vai d thi (C) khi hé phuong trinh sau ¢6 nghiém
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x*=2x+3 zk(x—1)+a(1)

x—1

NxT=2x+3

Thay (2) vio (1) ta duge x> —2x+3 :%(x—l)m
x°—2x+3

e =2x+3=(x-1) +ax’ —2x+3 o ax’* —2x+3 =2

=k(2)

2
Nx?=2x+3 (3)

Qua A c6 ding hai tiép tuyén ctia (C) khi va chi khi phuong trinh (3) c6 hai nghiém phan biét.

<>a=

Xét ham s6 f@):%.
X" =2x+
-2(x-1)
Taco f'(x)= ff(x)=0=x=1.
) (2% =20 -3)Vx" —2x +3 ()
Bang bién thién
X — o0 1 + oo
f'(x) + 0 -
f(x) / \E \
0 0

Tir bang bién thién ta c6 (3) c6 hai nghiém phan biét thi a e (O;\/E } Maanguyénnén a=1.

Chon C.
+ Bai tap tu luyén dang 3

Cau 1: C6 bao nhiéu diém thudc dd thi ham sb y= thdéa man tiép myén tai diém d6 cta dd thi co

x—1
hé s goc bang 2019?
A. V6 sb. B. 0. C.2. D. I.
Cau 2: Cho ham s6 y=x*—2x* c6 db thi 1a (C). C6 bao nhiéu tiép tuyén cua do6 thi (C) di qua gdc toa
do?
A. 1. B. 2. C.3. D. 4.

. 2x° s . = .
Cau 3: Choham so0 y= —%-i- x> +4x—2, goi d6 thi ciia ham s6 1a (C). Phuong trinh tiép tuyén cta (C)

di qua diém A(2;—2) la

3 7 3 5 3 1 3 1
A y=—"x——. B. y=—>-x—=. C.y=—-x——. D.y=—-x+—
T YT YT T
2
Cau 4: Choham so y= al c6 do thi (C). Phuong trinh tiép tuyén cua (C) di qua diém M (—1;3) la
x—
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A. y=3x-1;y=-3x. B. y=13;y=-3x. C.y=3y=-3x+1. D. y=3;y=-3x.

2x-3

Ciau 5: C6 bao nhiéu tiép tuyén cua do thi ham s y = di qua giao diém hai dudng tiém can?

A. V6 sd. B.2 C.1. D. Khong co.

2

Cau 6: Cho ham s6 f (x) = %— x+1 ¢c6 d thi (C). Phuong trinh cac duong tiép tuyén caa (C) di

qua diém M(2;-1) 1a
A. y=—x+1va y=x-3. B. y=—x—-1va y=-2x+3
C.y=—x—-1vay=—x+3 D.y=x+1va y=—x-3
Céu 7: Cho ham s6 y = x* + x> +3x +1 ¢6 db thi 1a (C). C6 tat ca bao nhiéu gié tri nguyén ciia tham
s6 m dé tir diém M (0;m) ké duoc it nhat mot tiép tuyén dén do thi (C) ma hoanh do tiép diém thude
doan [1;3] ?
A. Vo sb. B. 0. C. 60. D.61.

Ciau 8: Trén dudng thang x =3, toa d6 diém M c6 tung do 14 s6 nguyén nhé nhit ma qua do6 co thé ké t6i

d6 thi (C) ctia ham s& y = x* —3x? +2 dung ba tiép tuyén phan biét la
A. (3-5). B. (3;-6). C. (32) D. (31)

X2+ 2mx+2m* -1

Cau 9: Gi4 tri ciia tham s6 m dé do thi ham s6 y= cit truc hoanh tai hai diém phan

x—1
biét va cac tiép tuyén cua (Cm) tai hai diém nay vudng goc véi nhau 1a

A. m=0. B.mz%. C.m=-1. D.mz%,m:—l.

x—=2

Céu 10: Goi (C) 12 d thi cia ham sé y = >

I va M (O;m) 12 mot diém thude truc Oy. T4t ca cac gia tri
x —

thyc ctia tham s6 m dé ludn ton tai it nhat mot tiép tuyén cia (C) di qua M va tiép diém cua tiép tuyén nay
v6i (C) c6 hoanh do duong la
A m=22. B. m<2. C.m<2. D. m>2.

Céu 11: Cho ham s6 y= 2_xl c6 d6 thi (C) va diém A(0;a). Goi S 1a thp hop céc gia tri thyc cua tham
X+

sd a dé tir A ké duoc hai tiép tuyén AM , AN dén (C) véi M, N 1a cac tiép diém va MN =4 . Tong gia tri
cac phan tir cua S bang

A. 4. B. 3. C.o. D. 1.
Dang 4: Lap phwong trinh tiép tuyén ciia d6 thi ham s 4n tai diém c6 hoanh d§ x = x, cho trudce

4+ Phuwong phap giai

Tir biéu thirc cta ham an, tim cach tinh Vidy: Cho ham s y= f(x) c6 dao ham f'(x) trén
cac giatri y, = f(xo) va f'(xo)- R théa man
Ap dung cong thirc viét phuong trinh tiép [f(l N 2x)]2 . —[f(l —3x)]3 VxeR. Tiép myén
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tuyén cia d6 thi ham s y=f(x) tai diém
c6 hoanh do x = x, .

Chii y céng thirc dao ham ciia ham sé
hop: Cho ham s f(x) c6 dao ham trén
khoang K, u= u(x) 1a ham sb xac dinh va

c6 dao ham trén K va c6 gia tri trén khoang

K.Khido — (f(u)) =u'f(u).

4+ Vidu miu
Vidy 1: Cho ham s6 y = f(x) c6 dao ham lién tyc
Phuong trinh tiép tuyén cta d6 thi ham sé y = f (x)
A, y=2x+2.
C. y=2x-6.
Huéng din gidi
Ta can tinh £(1),£'(1).

Tur gia thiét 2 (2x)+ f(1-2x) =12x",Vx e R. (%)

ctia d6 thi ham s6 y = f(x) tai diém c6 hoanh d¢

x =1 c6 phuong trinh l1a

A, y=x-2.
X

B y:—E+2
x 1

RRNNERT
x 12

RANERST

Huéng dén gidgi

Ta can tinh f(1), f'(1).

Tir gia thiét
[r(+20] =x=[r(1-30)] . vx e R (%)
Chon x =0 taduge f*(1)=—f(1) = ;821

Lay dao ham hai vé (*) ta dugc
2.f (1+2x).2.f"(1+2x) =1+9.f* (1-3x).f"(1-3x)..
Chon x =0 tadugc 4.1 (1).f"(1)=1+9.7>(1).f'(1).

+Véi f(1)=0 taduge 0=1 (v0 Iy nén loai).
+ Véi f(l)z—l:f’(l):—% nén phuong trinh

tiép tuyén 1a y = X2
13 13

Chon D.

trén R thoa man 2 (2x)+ f(1-2x)=12x",VxeR.
tai diém c6 hoanh do bang 1 1a

B. y=4x-6.

D. y=4x-2.
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Chon x=0 va x=%,taduorc {

2701(0=0 {f( )=-1
21 () £(0)=3 " |r()=2

Lay dao ham hai vé (*) ta duoc 4.f’ (2x) 2. f'(l 2x) 24x,VxeR
©)-27()=0 _ {f (0)=
fr)-270)=12 (1)

Vay f(1)=2;f'(1)=4 nén phuong trinh tiép tuyén 1a y=4(x—1)+2=4x-2.

2
Chon x=0 va x:l,taduqc {
2 4’

Chon D.
Vi dyu 2: Cho cac ham s6 y=f(x),y=g(x)=f(f(x)),y=h(x)=f(x"+2) c6 dao ham trén R va c6
d6 thi lan luot 1a (C,).(C,).(C,). Puong thing x=2 cat (C,).(C,).(C;) lan luot tai A, B, C. Biét
phuong trinh tiép tuyén cia (C,) tai A va cia (C,) tai B lan luot 1a y=3x+4 va y=6x+13. Phuong

trinh tiép tuyén ctia (CB) tai C la

A. y=24x-23. B. y=10x-21.
C. y=-12x+49. D. y=2x-5.
Huéng din gidi

Dé gidi bai toan, ta can tinh 7'(2) va h(2).
Phuong trinh tiép tuyén ciia (Cl) tai A la

f'(2)=3 @{f’(2)=3
27 (2)+1(2)=

Phuong trinh tiép tuyén cia (Cz) tai B la

)’:f'(2)(x—2)+f(2)=3x+4:>{

y=F2)£(f(2))(x=2)+£(£(2))=f'(2).f'(10)(x-2)+ f (10) = 6x +13.
3{f’(2).f’(10):6 @{f’(lo):z

=2f'(2).f'(10)+ f(10)=13 | f(10)=25
Taco i'(x)=(F(x'+2)) =354 (x* +2) nén 1'(2) =12£'(10) =24 va h(2) = £ (10)=25.
Phuong trinh tiép tuyén cua (C,) tai C 1a
y=h(2)(x=2)+h(2)=24(x~2)+25=24x-23.
Chon A.

Vi dy 3: Cho ham s y = f(x) xéc dinh c6 dao ham va nhan gi4 trj duong trén R. Biét tiép tuyén cua

hai d6 thj ham s6 y = f(x) va y=g(x) =% cung tai diém c6 hoanh dd x, =1 c6 hé sb goc lan lugt
X

1a 12 va-3. Gia tri cua f(1) bang

TOANMATH.com Trang 43



A.3. B. 4. C.6. D.2.
Huéng din gidi

FQ)-()=2f(1)-F"(1) _
(1)

=

Chon B.
Vi dy 4: Cho ham s6 y = f(x) c6 dao ham lién tuc trén R. Goi A,, A, lan luot 1a tiép tuyén cua do thi
ham s6 y=f(x) va y=g(x)=x".f(4x-3) tai diém c6 hoanh do x=1. Biét hai duong thang A, A,

vudng goc nhau va A, khong song song voi Ox, Oy . Ménh dé nao sau day dung?

A NB<|f(1)<2. B.|£(1)<2
C.|f(n)=2. D. 2<|f (1)< 243.
Huéng dén gidi

Taco g'(x)=(x%.f (4x-3)) =2x.f (4x—3)+ 42> f'(4x-3).

Ta c6 hé s6 goc cua céc tiép tuyén A, A, lanluotla f'(1) va g'(1)=2f(1)+4f'(1).
Theo gid thiét thi f7(1).g'(1)=-1 va f'(1)=0.

o 1(1).(2f(1)+4f (1) =-1

L
(1)

—af ()= 20 ()= g4l ()24 0| ()22,

e2f(1)=- |f’(1)|

Chon C.
Vi du 5: Cho ham s6 y=f(x) c6 dao ham f'(x) trén R thoa man f(x3 +3x+1):2x—1 véi moi

x € R. Phuong trinh tiép myén ctia d6 thi ham s6 tai diém c6 hoanh d x=-3 1a

1 1 1 1
A, y=—x. B. y=—x-2. C.y=—x-3. D. y=—x+2.
Y 3 Y 3 Y 3 Y 3

Huéng din gidi
Dé viét phuong trinh tiép tuyén tai diém x = -3, ta can tinh f (—3) va f ’(—3) .

V6i x=-1 suyra f(—3):—3.

Do f(x’+3x+1)=2x—1= (32" +3) f(x’ +3x+1)=2.

V6 x=-1256/'(-3) =22 f'(-3) =3
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Do d6 phuong trinh tiép tuyén can tim 1a
y=f’(—3)(x+3)+f(—3)<:>yz%(x+3)—3<:>y:§x—2.
Chon B.
Vi dy 6: Cho ham s6 y=f(x) c6 dao ham trén R. Goi (C,),(C,) va (C,) lan luot 1a d6 thi cua cac
ham 6 f(x),g(x)=f(x*) va h(x)=f(x"). Biét f(1)=1 va tong h¢ s6 gbc ciia hai tip tuyén tai diém
c6 hoanh d9 x =1 cta (C,),(C,) bang -3. Phuong trinh tiép tuyén ctia (C,) tai diém c6 hoanh d¢ x =1
la
A, y=-x+2. B. y=-3x-2. C.y=-x-1. D. y=-3x+4.
Huéng déin gidi
Ta can tinh £ (1), /'(1).
Taco g'(x)=2x"(x"), h'(x)=3"f"(x*).
Theo gid thiét, taco f'(1)+¢'(1)=-3< f(1)+2f'(1)=-3< f'(1)=-1.
Do do h'(1)=3f'(1)=-3 va h(1)=f(1)=1.
Vay phuong trinh tiép tuyén can tim la y=-3(x-1)+1=-3x+4.
Chon D.
Vi dy 7: Cho hai ham s6 f(x), g(x) déu c6 dao ham trén R va théa man
f1(2-x)-2f*(2+3x)+x’g(x)+36x =0, véi moi x € R. Phuong trinh tiép tuyén cua do thi ham so
y=f(x) tai diém c6 hoanh d§ x=2 1a
A y=-x. B. y=2x-3. C. y=-2x+3. D. y=x.
Huodng din gidi

Taco f7(2-x)-2f(2+3x)+x’g(x)+36x=0,Vx eR(1)

~

—_
)

N—"
Il

0
Thay x=0 vao (1)taco f°(2)-2/°(2)=0< X

Lay dao ham hai vé cua (1) ta duoc
=3f7(2-x).f(2-x)—12f (2+3x). £ (2+3x) +2x.g(x) + x*.¢'(x) +36 = 0. (2)
Thay x=0 vao (2) tacod -3f°(2).f'(2)-12f(2).f'(2)+36=0.(3)

+Véi f(2)=0 thay vao (3) thi 36 =0 (v Iy).

+ Voi f(2) =2 thay vao (3) thi f’(2) =1 nén phuong trinh tiép tuyén 1a y = x.

Chon D.
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Vi du 8: Cho ham sb y :f(x) c6 dao ham lién tuc trén R thoa man [f(x)]3 +6f(x) =-3x+10 vdi
moi x € R . Phuong trinh tiép tuyén cuia do thi ham s6 y=f (x) tai diém c6 hoanh d6 x =1 1a

1 2 1 4
A, y=—x+2. B. y=1x. C.y=—x+—. D.y=—-x+—.
y y y 3 3 y 3 3

Huéng din gidi

Ta can tinh £ (1), f'(1).
Thay x =1 vao ding thirc [f(x)T +6f(x) =-3x+10,tacod

] +67()=-3+10=[7(N] +67(1)-T=0 f(1)=1.

Theo bai ra ta c¢o [f(x)]3+6f(x):—3x+10 ding vo6i moi x nén dao ham hai vé ta duoc
3. £(x)] £/ (x)+6f'(x)=-3,VxeR.

Thay x =1 vio taco 3[ £(1)] .f"(1)+6/"(1)=-3.
Vi f(1)=1 nén f’(l):—%.

Viay phuong trinh tiép tuyén can tim 1a y = —%x +§ .

Chon D.
+ Bai tap tu luyén dang 4
Céu 1: Cho ham s6 y = f(x) c6 dao ham lién tuc trén R thoéa méan

2f(2x) + f(l - 2x) =4x’ — x*,Vx e R. Phuong trinh tiép tuyén ctia d6 thi ham sé y = f(x) tai diém c6

hoanh d6 bang 1 va bang 0 1an lugt c6 dang y=ax+b va y= a,x+b,. Gia tri biéu thirc 5 —2b bang
1 + al
A B2 c.=. p. 2
46 3 46 5
f(x)

Ciu 2: Biét d6 thi cac ham s6 y = f(x),y = g(x) va y= c6 tiép tuyén tai diém c6 hoanh do x =0

8(x)
va ¢ cing hé sb goc khac 0. Ménh dé nao sau ddy dang?

A, f(0)<i. B. f(O)gi. C. f(0)>i. D. £(0)=

P

Céu 3: Cho cac ham sé y=f(x), y=g(x) va y=f(x).g(x). Biét tiép tuyén cta dd thj cac ham sé da
cho tai diém x =0 c6 cung hé s goc va khac 0. Ménh dé nao sau day dang?

A. f(0)-¢g(0)=1. B. f(0)-g(0)=-1. C. f(0)+g(0)=1. D. f(0)+g(0)=-1.
Cau 4: Hé s goc cua cac tiép tuyén tai diém c6 hoanh d6 x=1 cua d6 thi ciac ham sd

. f(x)+3 3 s N PO A ar
y=f(x);y=g(x) va y= m bang nhau va khac 0. Ménh dé nao sau day ding?
g(x
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11 11 11 11
A. <——. B. - . >—, D. —.
ry<-t r()<-t c. r(1)=4 r()>4
Cau 5: Cho hai ham s6 yzf(x) va y=g(x) c6 dao ham trén R va g(O);t—l. Biét tiép tuyén tai diém
) A 1 LN A f(x)"'l,‘ A A g Nq11 A1 AA 1y
X, =0 cua ba do thi ham so6 y:f(x),y :g(x),y = ( )+1 c6 cung hé so goc va khac 0. Ménh dé nao
g(x
sau day dang?
A,fUUS—%J(®¢—L B.f«»z—%J(®¢l.
C. f(O)s%,f(O)i—l. D. f(O)z%,f(O);tl.

Céu 6: Cho ham s6 y=f(x), y=f[ f(x)].y = f(x* +2) c6 d5 thi lan lugt Ia (C,),(C,).(C;). Biét tiép
tuyén cua (Cl),(CZ) tai diém c6 hoanh d¢ X, =1 co phuong trinh lan lugt 1 y=2x+1,y=6x+1.
Phuong trinh tiép tuyén ctia (C3) tai diém c6 hoanh do x,=11a

A. y=12x-5. B. y=6x-3. C. y=24x-21. D. y=12x-09.
Céu 7: Cho ham s6 y = f(x) c6 dao ham trén R. Goi (C,).(C,).(C,) 1an luot 1a d6 thi cta céc ham sb
y= f(x),y = f(f(x)),y = f(x2 +1). Céc tiép tuyén cua (Cl),(Cz) tai diém X, =2 c¢6 phuong trinh lan
lugt1a y=2x+1,y=4x+3. Hoi tiép tuyén ctia (CB) tai diém x, =2 diqua diém nao dudi day?

A. Q(2;-11). B. M(-2;11). C. N(-2;-21). D. P(2;-21).

Céu 8: Cho cac ham s6 y=f(x),y=f(x"),y= ]{((xz)) c6 dd thi 1an lugt 1a (C,),(C,),(C;). Hé s6 gbc
X

cac tiép tuyén cua (C,),(C,),(C,) tai diém c6 hoanh do x,=1 lan luot 1a £k, k, théa man

k,+2k, =3k, #0.Giatri f(1) bang

AL B. -2, c. -2, D.-%

5 5 5 5
Céu 9: Cho céc ham s6 y=f(x);y=f(f(x));y=r(x"+4) co db thi lan luot 1a (C,).(C,).(C,).
Puong thiang x =1 cit (C1 )§(C2)2(C3) lan luot tai M, N, P. Biét phwong trinh tiép tuyén cia (Cl) tai M
va cua (Cz) tai N 1an luot 1a y=3x+2 va y=12x—5 va phuong trinh tiép tuyén cua (C3) tai P c6 dang
y=ax+b.Giatri a+b bang

A. 6. B. 9. C.8. D.7.
Céu 10: Cho ham s y = f(x) xéc dinh va c6 dao ham trén R thoa man [f(Zx + 1)]2 +[f(1—x)]3 = X.
Phuong trinh tiép tuyén cta d6 thi ham sé y = f (x) tai diém c6 hoanh do bang 1 1a

16 1 6 18 15
A y=——Xx+-. B. y=—x——. C.y=——x+—. D. y=—x—=>.
YT Y77 YT Y777
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f(x)
g(x)

Cau 11: Goi k;k,;k, lan luot 1a hé sé goc cua tiép tuyén do thi cac ham s6 y = f(x);y = g(x);y =

tai x=2 vathéamin k, =k, =2k, #0. Ménh dé nao dudi day ding?

A. f(2)<%. B. f(2)s%. C. f(2)2

1
D. f(2) >5.

N | =

Cau 12: Cho ham s y=f (x) c6 dao ham tai x=1. Goi d,,d, lan luot la tiép tuyén ctia do thi ham sb
y= f(x) va y= g(x) = xf(2x —1) tai diém c6 hoanh d6 x =1. Biét rang hai duong thang d,,d, vudng
goc v6i nhau, ménh dé nao sau day ding?

A.[£(1)|<+2. B. |f(1)22V2. c.2<|f()<2v2. D2 <|F(1)[<2.

Dang 5: Mt s6 bai toan tiép tuyén khac

Bai todn 1. Tim cdc diém trén dé thi ham sé y= f(x) ma tiép tuyén tai cic diém dé song song véi
nhau hoic c¢6 cung hé sé goc k.
4+ Phuwong phap giai
Gia st hai diém

A(xA;f(xA)),B(xB;f(xB))(xA # x,) thude

Vi du: Cho ham s6 y = 2x+

11 c6 do thi (H). Goi

. ) ) ) A(x;3y,),B(x,;,) 1a hai diém phan biét thudc (H)
do thi hamso y=f (x) ma tiép tuyen tai hai ) ]

. sao cho tiép tuyén cua (H) tai A, B song song vdi
diém d6 song song vdi nhau hoac ¢6 cung hé , .
, nhau. Tong x, +x, bang
s0 goc k thi x,,x, 1a hai nghiém cta phuong

‘ ' A. 0. B. 1.
trinh f (x) =k. C.2. D. 1.
Khi d6 ta c6 biéu thuc lién hé gitra x,,x, . Huéng din gidi
Tir d6 giai quyét yéu cau bai toan dua ra. valY 3
Ae o 1ot s A Taco y'= = 2
Doi voi ham so 2x-1 (2x—1)
_ax+ Z (c#0:ad — be £ 0) c6 tim dbi ximg Do tiép tuyén cua (H) tai A, B song song véi nhau,
cx +
nén ta co
a7 (—i;ﬁj. Néu A, B 14 hai diém thudc dd 3 3 ) ,
c c = 2<:>(2x1—1) :(2x2—1)

o (2x,-1)  (2x,-1)
thi c6 tiép tuyén tai A, B song song v6i nhau
2x,—1=2x, -1

2x,—1=-2x,+1

thi I 1a trung diém ctia AB.

Vi A#zB nén x,+x,=1.
Chon D.
Nhin xét: Hai diém A, B thuoc d6 thi ham s

ax+b . X A o
y= vOi ¢ #0;ad —bc #0 ma tiép tuyén tai
cx+
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A, B song song v&i nhau thi hai diém A, B d6i
, 7. Iy d a A
xung voi nhau qua diém /| ——;— | nén
cc

_2d
—.

:2x =

+ Xp I

X4

4+ Vidu miu

Vi du 1: Cho ham sé y= 2’“ i 11 c6 d6 thi (H). Goi A(x,;y,),B(x,;Y,) 1a hai diém phan biét thudc (H)

sao cho tiép tuyén ciia (H) tai A, B song song véi nhau. Do dai nho nhat cta doan thang AB bang

A. W2, B. /3. C. V6. D. 24/6.

Huéng dén gidi
Taco y' = ﬁ . Do tiép tuyén cua (H) tai A, B song song v&i nhau nén
2x-1
-3 -3 X, =X
y'(xl)zy'(x2)<:> 2= it L
(2x,-1)  (2x,-1) x+x,=1

Vi x, #x, nén x, +x, =1.

Y Co A f R ia o 11 )
Khi d6 do vai tro cua A, B nhu nhau nén ta c¢6 thé gia sur x1:5a+§,a>0th1

A la+l;a+3 , B —la+l;a_3 .
2 2 2a 2 2 2a

Goi [ (%,%) la giao diém cua hai duong tiém can.

X, +x,=1=2x,

»ty, :1:2y1

2 2
Taco IA:(E;iJ:]A: /a_+izz /2 fa_iz :\/g
2 2a 4 4a 4 4a 2

Villa trung diém ctia AB nén AB=2IA> 2@ =6

Ta thiy { nén I 1a trung diém ctia AB.

2

Vay AB_ =~/6 khi %:%:a2:3:>a=\/§
a

Chon C.
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Vi du 2: Cho ham s y= 2’“ il 11 c6 d6 thi (H). Goi A(x;y,),B(x,5,) 1a hai diém phén biét thudc (H)

sao cho tiép tuyén ciia (H) tai A , B c6 cling hé s6 goc k . Biét dién tich tam giac OAB bang % Ménh dé
nao dudi day dang?
A. k<-9. B. 9<k<-6. C. 6<k<-3. D. -3<k<0.
Huéng din gidi
3

Taco: y' = ——(2 1)2
X—

Tiép tuyén tai A, B ctia (H) c6 cing hé s6 goc k nén X,,X, la hai nghiém phan biét cua phuong trinh

3

-—————=k=k<0.
(2x—1)
X +x,=1
Suy ra 4kx2—4kx+k+3:0(*) nén k+3
XI.XZZW

Khi @6 do vai tro cia A, B nhu nhau nén ta co thé gia s x, = %a +%,a >0 thi
AL 1ax3) g 1, 13
2 2 2a 2 2 2a
Ap dung cong thirc tinh dién tich tam gidc ABC néu co AB = (a;b), AC = (c;d) thi S,z = %|ad—bc|.

Tacd OA = la+l;a+3 ,O—B: —la+l;a_3
2 2 2a 2

s _1(a+1ja—3_(—a+1J a+3| 1]a-3 1
7o 2 ) 24 2 J2a| 4 a | 2
2 > 2a-3=0_ [a=3
a3 =2& 4 “ :{a (via>0).

a @ +2a-3=0 |a=

+ Voi a=3:>x1=2;x2=_1:>k=_%.

+Véia=1=x=,hx,=0=k=-3.

Vaygiatricuakla k=-3; k :—%.

Chon D.
Vi du 3: Cho ham s6 y=x"-3x+1 ¢6 d6 thi (C). Goi A(xA;yA),B(xB;yB) Vv6i x, >x, la cac diém
thudc (C) sao cho tiép tuyén tai A, B song song v6i nhau va AB = 6737 . Gia tri 2x, —3x, bang

A. 15. B. 90. C.-15. D.-90.
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Huéng dén gidi

Taco y =3x>-3.

Do tiép tuyén ciia (C) tai A, B song song v6i nhaunén y'(x, )=y'(x,)
& 3x:-3=3x; -3 x,+x,=0 (do x, >x,).

Gia st A(a,a’=3a+1), B(-a,—a’ +3a+1) véia> 0 thudc (C).

Khi d6 AB® =4a’ +(2a* ~6a) =4a°~24a* +40a* =637

& 4a° -24a* +40a” -1332=0=a’ =9=a=3 (via>0)

= x, =3;x, =-3 nén 2x, —3x, =15.

Chon A.

a +f ¢6 do thi (C). Goi A, B 1 hai diém phan biét thudc (C) va tiép tuyén cia

Vi du 4: Cho ham s6 y =

(C) tai A, B song song v6i nhau. Pudng thiang AB cit cac tryc Ox, Oy lan luot tai M, N dién tich tam giac

OMN bing i . Do dai doan MN bing

A. 10 Vs 35 D. @.

B. —. Cc.—.
2
Huéng din gidi

Taco y' = Goi A(x3,),B(x,5,)-

(x-1)"
Khido y'(x,)=y'(x,) = (x, —1)2 =(x, —1)2 S x +x, =2,
Do d6 tam dbi xtmg 7 (1; 1) cta (C) 1a trung diém cta doan thang AB.

Goi hé s goc ciia duong thang AB la k.
Phuong trinh dudng thang AB la y = k(x - 1) +1.

Diéu kién dé dudng thang d:y=k(x—1)+1 cat (C) tai hai diém phan biét A, B 1a phuong trinh

xX+2

= k(x — 1) + 1(*) c6 hai nghiém phan bi¢t x = 1.
X—

Ta ¢6 (*) < kx” —2kx+k—3=0 c6 hai nghiém phén biét x =1 khi va chi khi

k#0
K —k(k=3)>0< k>0
k-2k+k-3%#0

Vi M, N la giao diém cua AB véi Ox, Oy nén M(%;Oj, N(O;l—k).
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(k-1)

1
Suyra S,y :W:Zc)%k—l)z :|k|<:>

Ta c6 MN? :(/<—1)2+(k_1)2 :(k—1)2(1+kij

+Voi k=2= MN ="

N|&| v

+ Véi k:%:MN:

Viy trong ca hai truong hop thi MN = g .
Chon B.

Bai toan 2: Mt s6 dang toan khac

4+ Vidu miu

Vidu1l: Goi A la diém thudc do thi (C) cua ham sb y=x*"=3x>+2 va c6 hoanh d6 a. C6 bao nhiéu sb

nguyén a sao cho tiép tuyén ciia (C) tai A cat (C) tai hai diém phén biét B, C khac A?

Al B. 3. C.2. D.5.
Huéng dén gidi
x=0
Tacd y' =4x"—6x;y' =0 J6
Y

2
y”:12x2—6;y"=0<:>x=4_r7.

Toa do cac diém c6 hoanh d¢ a nguyén dé tiép tuyén tai diém do6 cit truc hoanh tai hai diém théa mén

Jo 6

—<a<—
2 3(16{—1;0;1}.

aii—z;an
2

Vay co6 ba gia tri nguyén cua a théa man.

Chon B.

Nhin xét: Doi véi do thi ham so y=ax* +bx* +c¢ ma do thi cé ba diém cuc tri ( khi ab < 0) thi tiép
tuyén cua do thi tai cdac diém co hoanh do nam giita hai diém cuc tiéu (cuc dai), triv diém uon sé luén cat

dé thi tai hai diém khdc nira.
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Vi du 2: Goi A 1a diém thudc do thi (C) ctia ham s6 y = x* —3x> +2 va c6 hoanh d6 a . C6 bao nhiéu s6
nguyén a sao cho tiép tuyén cua (C) tai A cit (C) tai hai diém phan biét B, C khac A va dién tich tam giac
OBC bing 2+/3?

Al B. 3. C.2. D. 5.
Huéng dén gidi
x=0
Tacod ¥y =4x"-6x;y =0 J6 -
Ry

Toa d6 cac diém co hoanh d6 a nguyén dé tiép tuyén tai diém d6 cit truc hoanh tai hai diém nita thi

Jo 6

——<a<7
=ae-10;1
5 0]
a¢i7

+Vé6i a=-1= A(-10). Khi d6 phuong trinh tiép tuyén la y=2(x+1).

x=0
Xét phuong trinh x* —3x*+2=2(x+1)< | x=—-1 nén B(0;2),C(2;6)= S,y =2 (loai).
x=2

+V6i a=0=> A(0;2). Khi d6 phuong trinh tiép tuyén la y =2 nén B(—3;2),C(V3:2)=> S,p5c =243
(théa man).

+Véia=1=> A(l;O) . Khi d6 phuong trinh tiép tuyén 1a y = —2(x - 1) nén

B(0;2),C(=2:6) = S, 5 =2 (l0ai).

Vay a=0.

Chon A.

X

Vi du 3: Cho ham s6 y = _; ¢ do thi (C). Goi S 1a tap hop tat ca cac gia tri thuc cia m sao cho tiép
X+

tuyén cua (C) tai diém c6 hoanh d0 x=m—2 cét tiém can dang tai A(xl; yl), cit tiém can ngang tai
B(xz; yz) thda man x, +y, =-5. Téng gié tri cac phan tir cia S bang
A. 4. B.-2. C.—-4. D. 2.
Huéng dén gidi
Do thi (C) co tiém can dung va ti€ém cén ngang lan luotla x=-2 va y=1.

C 3 , 3
Taco y :(+—2)2,y (m—2)=—2
X
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Goi M(m—2;m_3Je(C),m¢0,tiép tuyén ctia (C) tai M c6 phuong trinh 1a
m
3 m-3
=—(x—m+2)+ .
y=—( )+

. .2 Y £ re e A , \ m-—
Giao di€ém cua tiep tuyen véi tiém can dung la A(—Z;

6] va tiém can ngang la B(2m —2;1) .
m

Y e , m-— 6
Theo gia thict ta co

+2m—2:—5<:>2m2+4m—6<:>{m .
m=-3

m
Vay m; +m, =-2.
Chon B.

al 1 ¢6 dd thi (C). Goi A, B 1a hai diém nim

Vi du 4: Cho ham s6 y =

trén hai nhanh cta (C) va cac tiép tuyén cua (C) tai A, B cit cac duong

tiém can ngang va tiém can ding lan luot tai cac cip M, Nva P, Q. Dién P\ E : - ;
tich tr gisc MNPQ nho nhét bang BN
Q
A. 16. B. 32. C.8. D. 4.
Huéng din gidi

Goi I 1a giao diém cua hai duong tiém can. Theo tinh chét cua tiép tuyén dd thi ham sb bac nhét trén bac
nhat thi IM.IN =IP.IQ =8.

1 1

Taco S S MP.NQ= E(1M+1P)(1N +10)= %(IM.IN+IP.IQ +IM.IQ+IN.IP)

MNPQ —

—Lsegemigrivip) =8+ 1 - v ]sss Lovea =16,
2 2\ IN.IP 2

=IN.IP= IN.IP=8 hay IN=1Q=IM=IP=2+/2 tic 1a4 MNPQ 13 hinh

Vay 5. =16 khi -2
IN.IP

vudng.

Chon A.

Vi du 5: Cho ham s6 y = %x“ — x> —6x7 +7 6 d0 thi (C). C6 bao nhiéu gia trj nguyén ctia tham sé m dé

c6 it nhat hai tiép tuyén cua (C) song song hodc tring voi duong thang d: y = mx ?
A.27. B. 28. C. 26. D. 25.
Huéng din gidi
Gid st M (a;b) 1a tiép diém. Ta cé y' =2x"—3x" —12x.
Tiép tuyén cia (C) tai M song song hodc tring voi dudng thing d : y =mx nén a 1a nghiém cta phuong

trinh 2x° —=3x* —12x = m(*) .
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Pé c6 it nhét hai tiép tuyén cia (C) song song hodc tring voi duong thang d thi phwong trinh (*) ¢ it

nhat hai nghiém.

=-1
Xét f(x):2x3—3x2—12x c6 y' =6x"—6x—12; y'=0<::{x 5
X =
Bang bién thién
X —o =1 2 +o0
" + 0 - 0 +

—

Tir bang bién thién, dé phuong trinh (*) ¢6 it nhét hai nghiém thi —20<m <7.
Ma meZ nén me{-20,-19,...,6,7} .
Vay c6 28 gia tri m thda man.
Chon B.
Vi du 6: Cho duong cong (C) ty= i—j va diém 1(1;1) . Hai diém A va B thugc cuing mot nhanh ctia d6
thi sao cho IA=1IB. Goi k, va k, lan luot 1a hé sb gbc cua tiép tuyén tai A va B. Khi tiép tuyén tai A va
B cuia (C) tao véi nhau mot goée 15°, gid tri bicu thirc [k, +k,| bing
A. 26 -242. B. 4(2-3). C. 246 +242. D. 4(2++3).
Huéng din gidi
Do IA=1IB nén k.k, =1.

kl _kz
14k, .k,

&l —k|=2(2-3)

Taco tan15° =

& (k k) =28-1643

& (k+k) =32-1633 = [k + k| = 4423 =246 -22.

Chon A.

” , Lo re 3R 7 .q s £ ax+b
Nhdn xét: Doi voi do thi ham so y =

" c6 tam doi xung la I. Cho A, B la hai diém thuéc cung mot
cx+

nhénh cia do thi ham sé théa man IA=IB.

Goi k,,k, la hé s0 goc cua tié}) tuyén ctia do thi ham sé da cho tai A, B.

Ta co kk, =1.
c
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4+ Bai tap tw luyén dang 5

Céu 1: Cho ham s6 y=x*-3x*+3 c¢6 d6 thi (C). Trén (C) c6 hai diém phan biét A va B sao cho tiép
tuyén tai A, B c6 cung hé s goc k va O, A, B thang hang. Ménh dé nao dudi day dung?

A. -3<k<0. B. 0<k<3. C.8<k<12. D. 4<k<8.
Cau 2: Cho ham s6 y=x"+6x"+9x+3 c6 db thi (C). Ton tai hai tiép tuyén ctia (C) phan biét va c6
cung hé sé goc k, dong thoi dudng thang di qua cac tiép diém cua hai tiép tuyén do cit cac truc Ox, Oy
lan Iuot tai A, B sao cho OA =2020.0B . C6 bao nhiéu gia tri cia k théa man yéu cau bai toan?

A. 0. B. 3. C.2. D. 1.
Céu 3: Cho ham sd y=x* —2x” ¢6 dd thi (C). Trén d0 thi (C) c6 ba diém phén biét A, B, C sao cho tiép
tuyén cua (C) tai A, B, C ¢6 cung h¢ sb goc k. Tap hop tAt ca cac gia tri thyc cua k 1a

[ BEEE) e () c. (25 (B3

2 2
Céu 4: Cho ham s6 y = x* —2x? ¢6 dd thi (C). Trén (C) c¢6 ba diém A, B, C sao cho tiép tuyén cua (C) tai
A, B, C ¢6 cung hé¢ sb goc k. Biét réng ba diém A, B, C cung thudc mét parabol va dinh I cta parabol c6

hoanh d6 1a é Tung d6 cta I bang

A. _—4 B. l C. L D. _—1

3 6 36 6

Céu 5: Cho ham s6 y = x* —3x% +2 ¢6 do thi (C). Goi A, B 1a hai diém thudc (C) sao cho tiép tuyén cia
(C) tai A, B song song voi nhau, dudng thing AB c6 hé sb goc duong va tao véi hai truc toa do tam giac
vudng can. Gié tri x,.x, bing

A.-3. B. - 1. C.-2. D. 2.
Céu 6: Cho ham sd y= x—_i ¢6 d6 thi (C). Goi A, B 1a hai diém thudc (C) sao cho tiép tuyén cua (C) tai
X+

A , B song song v6i nhau. Khoang cach 16n nhét tir diém M (2;3) dén duong thang AB bang

A3, B. 2. C. 342, D. JII.
Céu 7: Cho ham s6 y= x> —3x? +2x—1 c6 do thi (C). Hai diém A, B phén biét trén (C) c¢6 hoanh d¢ lan
lugt 1a a,b(a > b) . Tiép tuyén ciia (C) tai A va B song song voéi nhau va AB=2. Gia tri 2a+3b bang

A. 4. B. 6. C.7. D. 8.
Cau 8: Goi S 1a tap hop cac gia tri thyc ciia tham s6 m dé trén dd thi ham s
y= —%x3 +(m—1)x2 +(3m -2)x —g ton tai hai diém M, (xl;yl),M2 (x2;y2) c0 toa do thoa man
x,.x, >0 sao cho tiép tuyén voi do thi tai hai diém d6 cing vudng goc véi duong thing x—2y+1=0.SH
nguyén 4m 16n nhét thudc tap S 1a

A.—1. B.-3. C.-2. D.-4.
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Cau 9: Cho ham s6 y= X+l 6 b thi (C). Hai diém phan biét A, B cta (C) trong d6 hoanh d6 cta A

am sao cho tiép tuyén cua (C) tai A, B song song voi nhau va dién tich tam giac OAB bang 1. D¢ dai
doan thang OA bang

1 /89 J89

A. 1. B. —. C. —. D. —.
2 2 2
Cau 10: Goi A, B 14 hai diém phan biét thudc do thi (C) ctia ham s6 y = x* —3x% +2 sao cho tiép tuyén
ctia (C) tai A va B song song v6i nhau. Khoang cach giita A va B 16n nhat bang

A. % B. % C. @ D. 6.
Cau 11: Cho ham s6 y = x* —=2018x c6 dd thi (C). Xét diém A, ¢6 hoanh d¢ x, =1 thude (C). Tiép tuyén
cua (C) tai A cit (C) tai diém thr hai A, # A cotoa dd (xz; yz). Tiép tuyén cua (C) tai A, cit (C) tai
diém thir hai A, # A, co toa do (x3; y3) . Cu tiép tuc nhu thé, tiép tuyén cua (C) tai A, cat (C) tai diém
thirhai A # A, | c6 toa do (xn; yn). Gia tri x,,,, bang

A, 277, B. 2%, C. 2°™, D. 2%,
Céu 12: C6 bao nhiéu tiép tuyén ciia duong cong (C):y = 2;6%14 ma tiép diém c6 toa d6 nguyén?

A. 6. B. 8. C.4. D. 3.
Céu 13: C6 mot tiép tuyén tiép xuc voi d6 thi ham sé y = x* +3x° +2x? tai dung hai diém phén biét M

vaNvéi x,, <x,.Gid tri bieu thirc x, —x,, bang

A3 B. ﬂ C. 22. D. 6.
2 2
A . Y F S S £ 2(x + 1) VA aiR . A A

Cau 14: C6 bao nhiéu tiép tuyén cua d6 thi ham s6 y=————= ma ti€p di€m cach déu cac truc toa d9?

A. 1. B. 3. C.2. D. 4.
Cau 15: C6 bao nhiéu tiép tuyén cua d6 thi ham s$b y= xX+2 cach déu hai diém A(l;—3), B(2;—6) ?

x_
A. 4. B. 3. C.2. D. 1.

Céu 16: C6 bao nhiéu tiép tuyén ciia dd thi ham sé y = x* —3x cach déu hai diém A(L;2), B(-3;-6)?

A. 4. B. 3. C.2. D. 5.
Cau 17: Cho duong thang y=m cat duong cong (C) :y=x*=3x% -2 tai hai diém phan biét A va B sao
cho tam gidc OAB vudng tai O v6i m 13 s6 thuc dwong. Khi d6 tiép tuyén cua (C) tai A va B cat nhau tai
diém nao dudi day?

A. M(0;40). B. N(0;-42). C. P(0;-38). D. 0(0;-40).
Cau 18: Cho ham sé y=2x"—3x>+1 ¢6 d thi (C). Xét diém A thudc (C). Goi S 1a tap hop céc gia tri
thyc ctia a sao cho tiép tuyén cua (C) tai A cat (C) tai diém thir hai B (B # A) thoa man a.b = —% , trong

d6 a, b 1an luot 1a hoanh d6 cua A va B. Tong gia tri cac phan tir cia S bang
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A2 B. -, c -2 .3,
4 4 4 4

Céu 19: Goi A 1a diém thugc d6 thi ham s6 (C):y= %x“ —3x +§ sao cho tiép tuyén cua (C) tai A cit

(C) tai hai diém phan biét B; C khic A théa min AC =3AB (v6i B nam giita A ;C). D6 dai doan thing
OA bing

A N2 B. 2. c. M4, p. 17,
2 2 2
Cau 20: Cho d6 thi ham s6 (C ) iy = x2_—1 va d,, d, 1a hai tiép tuyén ciia (C) song song voi nhau. Khoang
X
cach 16n nhét gitta d,, d, 1a
A.3. B. 24/3. C.2. D. 22.
3x+1

¢6 do thi (C). Goi A, B 12 hai diém thudc (C) sao cho tiép tuyén cua (C)

Céu 21: Cho ham sb y=
x+1

tai A, B song song voi nhau. Cac tiép tuyén nay lan luot cét tiém can dang, tiém can ngang cua (C) tai M,
N (tham khéo hinh v&). Tt giac MNBA c¢6 chu vi nho nhat bang

N
\:\B -
A. 16. B. 12. C. 20. D. 24.
PAP AN

DANG 1. Lap phwong trinh tiép tuyén ciia d6 thi ham s tai diém cho truéc

1-C 2-C 3-A 4-D 5-C 6-C 7-B 8-D 9-D 10-B
11-B | 12-A | 13-B | 14-D | 15-D | 16-D | 17-B | 18-D | 19-B | 20-B
21-A | 22-B | 23-C | 24—-A | 25-D | 26-D | 27-C | 28—A | 29-B | 30-A
31-A | 32-B | 33-B | 34-A | 35-D | 36-D
DANG 2. Lap phwong trinh tiép tuyén ciia d6 thi ham sé y= f (x) Kkhi biét hé s6 géc

1-B 2-B 3-D 4-B 5-A 6-A 7-B 8-D 9-D 10-A
11-A | 12-A | 13-C | 14—-A | 15-C | 16-C | 17-D | 18—-A | 19-C | 20-B
21-A | 22-C | 23-D | 24-C | 25-B | 26-D | 27-C
DANG 3. Lap phuwong trinh tiép tuyén ciia d6 thi hAm s6 y= f (x) di qua diém M cho truéc

1-B 2-C 3-C 4-D 5-D 6-A 7-D 8—A 9-B 10-B
11-D

DANG 4. Lap phwong trinh tiép tuyén ciia d6 thi ham s6 4n tai diém c6 hoanh d9 x = X, cho trudc
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1-D

2-B 3-C 4-A 5-A 6-A 7-C 8-C 9-D 10-C
11-B | 12-B
Dang 5. Mgt s6 bai toan tiép tuyén khac
1-C 2-B 3-D 4-C 5-A 6-A 7-A 8-D 9-A 10-B
11-B | 12-B | 13-B | 14-C | 15-A | 16-B | 17-C | 18-D | 19-D | 20-C
21-D
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