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y J/ J J
Bi1 1. HAM SO LUONG GIAC: TXD, DON DIEU, TUAN
HOAN

—NHAN BIET - THONG HIEU

Cadu 1. Trong cac ham s6 sau, ham s6 nao c6 tap xac dinh 1la R?
@y:sinx-l-cosx. y:tanx. @y:cotx. @y:coszc-l-tan:v.

Cadu 2. Trong cic ham s6 sau, ham s6 ndo c6 tap xac dinh 1a R?

Yy =siny/z. y:cosg. y = sin ! . y = cot 2z.
x x?

+1

Cadu 3. Meénh dé nao duéi day dang?

. 1 . £ .
@ Ham so y = — c6 tap xac dinh = R. Ham s0 y = tanx c¢6 tap xac dinh ¥ = R.
sin

@ Ham s6 y = cot x ¢6 tap xac dinh 2 = R. @ Ham s6 y = sinz ¢6 tap xac dinh 2 = R.

Cadu 4. Trong cac ham s6 sau, ham s6 nao 1a ham s6 chin?

@yzsian. y:cos?w. @y:cot?)x. @yztaan.
Cdau 5. Ham s6 lugng gidc nao dudi day 1a ham s6 chan?

@y:sin2x. yzCOSZx. @yzQSinx+1. @y:sinx—i—cosx.
Cadu 6. Ham s6 lugng gidc nao dudi day 1a ham sb 187

@y:sin2a:. y:sinx. @y:cos3x. @y:xsinx.

Cdu 7. Xét trén tap xac dinh ctia ham s6 thi khang dinh nao sau day la ding?

(A)Ham s6 y = sin 3z 1a ham s6 chén. Ham s6 y = cos(—3z) 1a ham s6 chén.
Ham s6 y = tan 3z 13 ham s6 chén. (D) Ham $6 y = cot 3z 1a ham sb chn.
Cdu 8. Xét tren tap xac dinh ctia ham s6 thi khéng dinh nao sau day la sai?
(A)Ham s6 y = sin 2z 1a ham s6 1. Ham s6 y = tan 2z 13 ham s6 1é.
@ Ham s6 y = cot 2z 1a ham s6 16. (D) Ham $6 y = cos 2z 1a ham s 1&.

Cau 9. Tim tap gia tri T clia ham s6 y = sin 2z.

@T:[ 1-1]. B) T =[-2;2]. ©T1T=R DT =[-11].

"33

Noi Pau Cé Y Chi & P6 C6 Con Dudng

Cdu 10. Xét trén tap xac dinh ctia ham s6 thi khédng dinh nio sau day la ding?

. 1 )
@ Ham s6 y = c6 tap gia tri la [—1;1]. Ham s0 y = tanz ¢6 tap gia tri 1a [—1; 1].
CoS T
@Ham s6 y = cotx c6 tap gia tri 1a [—1;1]. @ Ham s6 y = sinx c6 tap gia tri la [—1;1].

Cau 11. Tim tap xéc dinh Z ctia ham s6 y = sin 4x.
(A2 =R. ® 2 =[-1;1].
(©) 2 =[-4:4]. @.@:R\{%ﬂ,kez}.
Cdu 12. Tim tap xac dinh Z cia ham s6 y = cos .
(A) 2 =R\ {kn,k € Z). 9:1@\{%%%,1@62}.
©2=R (D) 2 =R\ {k2r,k € Z}.

Cau 13. Tim tap xac dinh 2 ciia ham s6 y = sin /7.

(A2 =R. (B) 2 =R\ {0}. (©) 2 = [0; +0). (D) 2 = (0; +00).
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~ . 1
Cadu 14. Tim tap xac dinh Z cta ham s6 y = sin R
x —
AN2=R ® 2=R\{4}. ©2=rR\{-14}. D 2=R\{-22}
~ ) 1
Cau 15. Tim tap xac dinh 2 ctia ham s6 y = cos 4/ N 5
—x
AN2=R ®2=r\{-;1}. ©2=[-11] D2-=(-
Cadu 16. Tim tap xac dinh Z ciia ham s6 y = v/cosx + 1.
(A) 2 =R. (B) 2 =R\ {—7 + k2m, k € Z}.

(D) 2 = {r + k2, k € Z}.

©9={5+kmkez}.

Cadu 17. Tim tap xac dinh Z cia ham s6 y = tan z.

A2 =R. @:R\{fﬂmkez}.
©2=R\{Z +km k ez}, D 2= {3 +hmkez}.

Cadu 18. Ham s6 y = tanz xac dinh trén khoang nao dudi day?

@ (0; 7). (—3; 0) @ (_TW, g) @ (—7;0).

Xe]
L Cau 19. Tim tap xac dinh 2 ctia ham s6 y = tan 2z.

o A2 = R\{ +k7rkeZ} B 2= R\{ +k7rkeZ}
L ©2=R\(|knkez}. D2-rR\{]+ k:eZ}
E Cadu 20. Tim tap xac dinh Z cia ham s6 y = cot .
g w2-r ® 2=R\{J +knkez}.
& ©2=R\{knkez}. @Q—R\{k%,kez}.
2 CaAu 21. Ham s6 y = cot z xac dinh trén khoang nao dudi day?
L — 3
> Ao (%g) © (=m;m). ©) (—;;0)-
(D 2

Cdu 22. Tim tap xac dinh 2 ciia ham s6 y = T

(A2 =R. ® 2 = R\{ +kr k€ L.

(© 2 =R\ {kn,k € 7). @Q—R\{k%,kez}.

~ . 2 N L X
Cadu 23. Tim tap xac dinh 2 ctia ham s6 y = tan —.

2
(A) 2 =R\ {2}.
© 9= R\{ +kr k€7,

B) 2 =R\ {r + k2, k € Z}.
(D) 2 =R\ {k2m,k € Z}.

Cdu 24. Tim tap xac dinh Z cia ham s6 y = cot 2.

(A) 2 =R\ {kn,k € Z}.
© 2= R\{— keZ}

(B) 2 =R\ {k2m, k;eZ}
D) 7 = R\{7T keZ}.

Cadu 25. Tim tap xac dinh Z ctia ham s6 y = tan (ac + %)

@9:]1;&\{—5+k7r kez.

© 2= R\{ +kr ke Z}.

® 2= R\{ +k7rkeZ}.
D) 2= R\{ -|-k:7rk€Z}
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Cadu 26. Tim tap xac dinh 2 cia ham s6 y = cot (x — E).

@@:R\{%Jrk%,kez}. ;zR\{g+kw,keZ}.
@.@:R\{—ngkQﬂ,keZ}. @9:R\{%+kw,kez}.

Cadu 27. Ham s6 y = cosx nhan gia tri am véi moi x thuoc khodng nao trong cac khoang sau?
T T T
@) (-5:0). (0; 7). © (Fm). D (0:5).
Cdu 28. Ham s y = tan x nhan gia tri duong véi moi o thuoc khoang nao trong cac khoang sau?

@ (—W;—g). (37%;271'). @(0;7‘(’). @ (—gQO)-

Cadu 29. Trong cic ham s6 y = sin2z, y = cosx, y = tanx va y = cotx ¢6 bao nhiéu ham sé tuan
hoan?

(A)1. ®) 2. (©)3. (D) 4.
Cadu 30. Chu k¥ tuan hoan ctia ham s6 y = sinz 1a bao nhiéu?

@ . (B) 2r. @ 4m. @ k2m.

Cadu 31. Chu ki tuan hoan T cia ham s6 y = cosz 1a bao nhiéu?

(AT = 2r. B T=r © T =3nr. @T:%.

Cadu 32. Xét trén tap xac dinh clia ham s6 thi khédng dinh nao sau day la sai?
(A)Ham s6 y = tan tuan hoan véi chu ki T = 7.
Ham s6 y = cos 2z tuan hoan vé6i chu ki T' = 7.
@Ham s6 y = cot 2z tuan hoan véi chu ki T = 7.
(D) Ham s6 y = sin 2z tudn hoan véi chu ki T = 7.
Cadu 33. Xét trén tap xac dinh ctia ham s6 thi khang dinh nao sau day la ding?
@ Ham s6 y = cosx tuan hoan véi chu ki T = .
Ham s6 y = cosz tuan hoan véi chu ki T' = 27.
@Ham s6 y = cot z tuan hoan véi chu ki T' = 27.
(D) Ham s6 y = sinz tudn hoan véi chu ki T’ = 7.
Cadu 34. Ham s6 y = sin 2z tuan ndo véi chu ki biang bao nhieu?
T T
(A) 2. ®) . © 5 0) T
Cdu 35. Chu k¥ tuan hoan ctia ham s6 y = cot z 14 bao nhiéu?

@ . (B) 2r. @ k. @ k2m.

Cdu 36. Chu ki tuan hoan T ctia ham s6 y = tanz 1a bao nhiéu?

@T:%. BT =r. @T:%. D) T = 2n.

Cdu 37. Véi moi k € Z, menh dé nao sau day sai?

@ sin 2(x + km) = sin 2z. cos(2z + km) = cos 2z.

@ tan(2x + km) = tan 2z. @ cot(2z + km) = cot 2z.
Cadu 38. Vi s6 thyc o bat ki, ménh dé nao dudi day sai?

@sinx:sin(x+47r). (B) sinz = sin (z — 2m).

@sinx:sin(a:—f—?ﬂr). @sinm:sin(x—&r).
Cau 39. Véi s6 thyc o bat ki, ménh dé nao dudi day dang?

@cosx:cos(x+7r). (B) cosz = cos (z — 2).

@COS:L‘ZCOS(SL‘+37T). @Cosxzcos(x+57r).

y J/ J J

D6 C6 Con Puong
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Cdu 40. Ham s6 y = sinx dong bién trén khoang nao trong cac khodng sau?

® (Zin). ). (=27). ©) (-m;0).

2

Cdu 41. Trong cac nhan dinh duéi day, nhan dinh nao la sai?

@ Ham s6 y = sinx dong bién trén khoang (0; ).

Ham s6 y = sinz vd y = cosx déu c6 tinh chat tuan hoan.

@Hém s6 y = sinz 14 mot ham s6 18.

(D) Ham s6 y = cosz ¢6 dd thi 1a mot duong hinh sin.
Cdu 42. Ham s6 y = cos z nghich bién trong khoang nao sau day?

T i

@) (-m;0). (-3:3): © (-5:0)- D (0;7),

Cdu 43. Ham s6 y = cot x nghich bién trong khodng nao sau day?

B (—m; ). (0;7). ©(-%2). © (0;2n).

22
Cdu 44. Ham s6 y = tanz dong bién trong khodng nao sau day?

T
@ (0; 5) (0; 7). @ (0; 4m). @ (0;2m).
O Cadu 45. Trong cac ham s6 sau, ham s6 ndo dong bién trén khoang (O; g)‘?

- @yz—sinx. yztanx. @yzcota:. @yzcosm.
Cdu 46. Ham s6 nao dusi day dong bién trén khoang (g, 7r> ?

@yzsinx. yzcosa:. @y:tanx. @yzcotx.
- VAN DUNG

Cdu 47. Tim tap xac dinh Z ctia ham s6 y = tan (% —2x>.
@.@:R\{—g—lmkez}. @:R\{—%—lm,kez}.
© 9= R\{——+—keZ} @@zR\{—ngka,keZ}.

Cadu 48. Tim diéu kién xac dinh ctia ham s6 y = tan (Qx — z).

Gv Ths: Pham Hung

3
@x#z—i—k—ﬂ ke Z. x#i—gﬁle,kEZ.
k:

@:1:7457T T ke De#g+hmkel
Cdu 49. Ham Séyzcot (g—i-%) xac dinh khi

@z#—%—l—k‘Qﬁ,keZ. x%—%-l—knr,kEZ.

@x¢—%+lm,kez. @x#—g—i—kﬂﬂ',kez.
Cdu 50. Ham SéyztaII(%—i—g) xac dinh khi

@x;«éﬁ-l-k&r,keZ. x%—%-l—k:BW,kEZ.

(©)x + o+ kb, k € Z. @x#—ngk?m,keZ.
Cdu 51. Tim tap xac dinh 2 cia ham séy:ﬂ.

1 —cosz

A2 =R. ® 2= R\{ —|-k;7rk€Z}.

6/97 ’ B Th.S Pham Hung H&i - 8 0905.958.921 m
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(© 2 =R\ {kn,k € Z}. (D) 2 =R\ {k2r,k € Z}.

Cdu 52. Tim diéu kien xac dinh ctia ham s6 y = w
CoS
@x%g—i—k‘Qw,kEZ. m#g—i—lm,kez.
@x%—ngka,keZ. D)z #kr k€ Z.
1

Cadu 53. Tim tap xac dinh 2 ctia ham s6 y =

\/1+COS:L“
(A) 2 = {n+ k2n k € Z}. .@:R\{g—i—kw,kez}.

@xER. B) x> -1 ©x>1. @x;é—l.
Cadu 57. Trong cac ham s6 sau, ham s6 ndo 14 ham s6 chén?

@y:mcosx. (B) y = 2 cos 2z. @y:xsinx. @y:xZSin(—x). O

(©2 =R\ {r+k2n k €L} (D) 2 =R\ {k2r,k € Z}.
Cadu 54. Tim tap xac dinh Z ctia ham séyzﬂ.

- 1+sinx . o
@.@:{—§+k2w,kez}. @:R\{;EJrkw,keZ}. 2
(©2 =R\ {kr k€ Z}. @@:R\{g—l-k:%,kez}. 'g
~ . . . L 1—2z e

Cdu 55. Tim tap xac dinh 2 ctia ham s6 y = cos Tz c
O

A2 =[-1;1]. ® 2= (-1;1]. ©2=r\{-1}. D@2=[11) o
\

Cadu 56. Tim diéu kién xac dinh ctia ham s6 y = cos (\/ﬁ) 8
‘O

QA

Cadu 58. Trong cac ham s6 sau, ham s6 nao 1a ham so 1&7 6
@y:ﬂvtanx. (B) y = x cot 2z. @y:x3cosx. @y:x3sinx. >
Cadu 59. Trong cac ham s6 sau, ham s6 nao 1a ham s6 chdn? O
cos 2
(A)y = 22 tanz. (B) y = 22 cot 2z. @y: z (D) y = |sin 3z O
x
=
Cadu 60. Trong cac ménh dé dudi day, ménh dé nao sai? O
N P .3 T £ 5 < % sin T £ 12 m
@ Ham s0 y = zsin” z la ham so chan. Ham s0 y = — 5— la ham s0 1¢.
) . tan®x + cot” x 6
) sinz — ta ) ) . P
@ Ham so y = ST T PRT 1 ham s6 16, @ Ham so y = x +sinx la ham so chan. prd
cos
Cau 61. Xét trén tap xac dinh ctia ham s6 thi thi khang dinh nao sau day la dang?
(A)Ham s6 y = sin 2z 1a ham sb 1¢. Ham 86 y = cos2(z + ) 1a ham s6 1é.
@ Ham s6 y = sin(x + g) 1a ham s6 1é. (D) Ham $6 y = cos(m — x) 1a ham s6 1¢.

Cadu 62. Trong cac ham s6 sau ham s6 ndo 1a ham s6 187

@ y = sin2zx. tan x. y = cos 3z — sin® . @ Yy = cosx.tan dx. @ y = cot 4x. tan 3z.
Cadu 63. Trong cac ham s6 sau, ham s6 nao 1a ham s6 1&7

@yzx/l—sinx. yzxsinZ:I;. @y:\/l—cosx. @yzx—sian.
Cadu 64. Trong cac ham s6 sau, ham s6 nao 14 ham s6 187

@y:sinm—l—cosx. y:cotx—i-cosx. @y:tanx+sinx. @y:tanx+cos:c.
Cadu 65. Meénh deé nao duéi day sai?

@ Ham s6 y = cot z nghich bién trong khoang (0; g)

7/97 ’ B Th.S Pham Hiing Héi - 8 0905.958.921 m
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y J/ J J

Ham s6 y = tanx dong bién trong khoing (0, g)
@Ham s6 y = cosx dong bién trong khoang (0, g)
@ Ham s6 y = sinz dong bién trong khoang (O, g)

Cadu 66. Menh dé nao duéi day ding?
@ Ham s6 y = cot x dong bién trong khoang

|3 §
S
3
N———

=
3
~—

Ham s6 y = sinz dong bién trong khoang

R~
W
3

~_

@Ham s6 y = cos z nghich bién trong khoan

@ Ham s6 y = tanz nghich bién trong khoang

AN NN

|5
5]
3

N———

37 57r)
2792 )

(A)y = sin2z. (B) y = tanz. (©)y = cosz. (D) y = cot .

Cadu 67. Ham s6 nao sau day la ham s6 dong bién trén khodng (

O Cadu 68. Ham s6 nao sau day 1a ham s6 nghich bién trén khoang (0;7)?

X @y—smx (B) y = tanz. @y:cos(2x). @y:cotx.

~ . N . 3
Cdu 69. Ham s6 nao sau day dong bién trén khodng (—Iﬂ; %)7

@y:tan (Zx-l- %) Y = COS (m—i—%) @y:cot (2$-|—%). @y:sin (x-i—%)
Cdu 70. Ham s6 y = cot x va ham s6 y = sinz ciing nghich bién trén khodng nao dudi day?

®(05) 53} @by o)

CadAu 71. Ham s6 nao luon c6 gia tri 16n nhat, gia tri nho nhat trén tap xac dinh trong cac ham dudi
day?

@yzx—i—sinx. y:sin2x. @y:tan2x. @yzcot?x.

- . ) m
Cdu 72. Tim chu ki tuan hoan T ciia ham s6 y = cos (a: + Z)

(AT = . (B) T = 2. ©)1T=-2r. @T:%.

Cdu 73. Tim chu ki tuan hoan 7 ctia ham s6 y = cos (2x).

(AT =2r. T:%. ©rT=r D) T = 4r.
Cdu 74. Tim chu ki tuan hoan T clia ham s6 y = tan 3z.

(AT = (B) T = 3n. @T:%T. DT =

Cau 75. Xét ham s6 y = sinx trén doan [0; 7]. Ménh dé nao duéi day la ding?
P y , ™ (T
@Hém so dong bien trén cac khoang (0; 5) va (5, 7r>.
Ham s6 dong bién trén khoang (0; g) va nghich bién trén khoang

Gv Ths: Pham Hung

;7).

e
NGRS NN

@Ham s6 nghich bién trén khoang (O; g) va dong bién trén khoang

(D) Ham s6 nghich bién tren cac khoang (O; g) va (g, 7r>.

)

Cadu 76. Bang bién thién sau day la ctia ham s6 nao trong bén ham s6 bén dudi?

8/97 ’ B Th.S Pham Hung H&i - 8 0905.958.921 m
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y J J J
T 3T
T 0 5 T 7 21
1 1

f(x) \0 o/
— y -

@y:sinx. yzcosx. @yztanx @y:cotx.
Cau 77. Tim tat ca céac gia tri thuc clia x dé c6 dang thic sin? 2z + cos? 2z = 1.
(A)zeR. xeR\{ +k27rkeZ}
@xER\{ + km, kEZ} @Khongtontaixthéadéngthﬁc da cho.
O
Cau 78. Tim tét ca céac gia tri thuc clia « dé c6 dang thic . =1+ tan®z. g
4
@xGR\{ +k27rk€Z} :EGR\{ +k7rk€Z} 8
@xER\{k‘ﬂ,kEZ}. @xGR\{———i—k‘QW,kGZ}. c
’ o)
. O
-VAN DUNG CAO O
O
Cdau 79. Tim tap xac dinh Z ciia ham séy:\/l_ﬂ. ‘0
14 cosx QA
A) 7 =R. ®) 9 = R\{ +kr, ke, O
(©2 =R\ {r+kom k e} @_@_R\{k%,kEZ}. ‘c
N . 2—sinx O
Cadu 80. Tim tap xac dinh Z clia ham s@y:\/T. -
—sinx
W7 ={Z+kmker} ® 7 =R\ {Z +k2m kez}. ‘8
© 9= { +kr,keZ}. D) 2 =R\ {k2m,k € 7). -
O
Cadu 81. Tim tap xac dinh Z clia ham s6 y = % e
cos? x — sin*w By o)
(A7 = R\{ -|-k:7rk:eZ} @:R\{f+l,kez}. =
© 2= R\{ +k7rkeZ} D 2 = R\{—keZ}
Cdu 82. Tim tap xac dinh ctia ham s6 y = —; smm‘ .
sin“z — 6sinx + 8
(A) 2 =R\ {kr|k € Z}. (B) 2 = R\ {k2r| k € Z}.
©2=R. (D) 2 = R\ {r + k27| k € Z}.
~ P cotx
. Tim tap xéc dinh 2 clia ham s6 y = .
Cdu 83. Tim tap xac dinh Z ctia ham s6 y YT ve———
@.@:R\{kQW;\kEZ}. .@IR\{]{T(;—E—FIWT;Z—FIWTUCEZ}.
T T 3 3
@.@:R\{lﬂﬂ;—g+k7r;§+k7r|k€Z}. @.@zR\{kﬂ;—g+k27r;§+k27r|k€Z}.

2
cos3x +cosx’
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y J/ J J

(A2 =R. ® 2= R\{ keZ}
T T km km
@@:R\{aﬁ‘kﬂ,g‘l‘?,kGZ}. @@ZR\{§+]€7T,Z+7,]{TEZ}.

Cadu 85. Tim tap xac dinh 2 ctia ham s6 y = tanz — cot z.

A2 = R\{—kzeZ} ® 2= R\{ -|—k:7rk:eZ}

© 2= R\{—keZ} (D) 2 =R\ {kr,k € Z}.

~ P t

Cadu 86. Tim tap xac dinh ctia ham s6 y = _rr

cosxr — 1
(A) 2 =R\ {k2r|k € 7). B) 2 =R\ {kn|k € Z}.
k

@@:R\{gmez}. D 2= ]R\{ +k27r|k€Z}

~ N P t

Cdu 87. Tim dieu kién xac dinh ctia ham s6 y = _ant

cotx —1 N

@x#%—}—kwvﬁx%kwv@ikez. x%%v&x#%—l—kwv@ikez
“6 @m#%—i—kwv&x#kwvﬁjikez @x#g—kkﬂvax#ngkﬂvGikeZ.
- - .
5 Cdu 88. Tim tap xac dinh 2 clia ham Séy:ta:flf
S @2=R\{knkez} ® 2 = R\{ +kr,keZ}.
:IE: @.@:R\{—ngka,k:eZ}. D) 2= R\{—k; Z}
_g Cadu 89. Tim tap xac dinh 2 clia ham s6 y = e
o cot 2z
y (A7 = R\{ -|—k7rk:eZ} B 2= R\{—kz Z}
L
I; © 2= R\{—kez} D) 2 =R\ {kr,k € Z}.
O céu90. Tim tét ci cac gié tri thuc clia tham s6 m dé ham s6 y = y/cos?z — (2 4+ m) cos x + 2m xac

dinh trén tap R.
(A)m > 1. B m>1. ©-1<m<1. D) -1<m<1.

Cadu 91. Trong cac ham s6 sau, ham sé nao 1a ham s6 187

@y_:v—smx‘ y_ SL’ —SanL“ @y_l'—SanL" @y_{lf —SIHZIZ"

cos 2z COS 3T sinx sin 3z
Cdu 92. Trong cac ham s6 sau, ham s6 nao la ham s6 chdn?

@y_1+81nx y_l—I—cosx @y_l—l—tanx. @yzl—i—cotx.

sin x 1 —cosz 1 —tanx 1—cotz

Cadu 93. Trong cac ham s6 sau, ham s6 ndo 1a ham s6 chin?
@yzQ—cosxtan(W—Zx). y:2—cosxsin(g—2x>.
@y:2—cosxcos(g—2x>. @y:2—cosxsin(7r—2x).

CdAu 94. Tim chu ki T ctia ham s6 y = cot (g + ?ZTW)

(AT =r. (B) T = 2r. (©7T =3 (D) T = 6.

Cadu 95. Ham s6 nao dudi day 1a ham s6 tuan hoan?

@y: S T . y_ I i

cosT +x sin? x—i—l cos2x+1°

10/97 ’ B Th.S Pham Hiung H&i - 8 0905.958.921 m



https://www.facebook.com/ThayHaiToan.Mathematics/
https://www.facebook.com/ThayHaiToan.Mathematics/

Chuong 1. HAM $& LUONG GIAC - PHUONG TRINH LUONG GIAC  Gido Vién Pham Hiing H&i Chuyén Ton 10 - 11 - 12 & LTBH

y J/ J J

@ =wtanx +sinw @ —sinx—i—tai
Y ' Y cot?z + 1’

Cadu 96. Ham s6 nao sau day vita 1a ham s6 chén, vita 13 ham s6 tuan hoan?
@yza:sin?)x. y=cos3x. @yztan3x. @y:coth.
Cdau 97. Tim chu ki tuan hoan T' ctia ham s6 y = sin 2z + cos z.
@T:ﬂ'. T:27r. @T:47r. @T:—Qﬂ'.

Cdu 98. Tim chu ki tuan hoan T ctia ham s6 y = sin 2x — cos 8x.

AT =r. (B) T =2r. ©T =4r. @T:%.

Cdau 99. Tim chu ki tuan hoan 7' ctia ham s6 y = sing + cos g

(A)T = 2x. (B) T = 4r. (© T =6r. D) T = 12n.

- 3 . ) .
Cadu 100. C6 bao nhiéu gia tri cia = trén doan [—ﬂ'; 771 dé ham s6 y = tanx nhan gia tri bang

1?@1. ® 2. 3. (D) 4.

~ Z P ., . 2 37T 2 N £ sz .
Cadu 101. Tim tat ca cac gia tri clia x trén doan |:—7T; 7} dée ham so y = tanx nhan gia tri am.

@Wae (‘%é)u(?%ﬂ)- “(‘%?0)“(?%)
Cue(-33)u(z) e (-50)u(Fm)

Cdu 102. C6 bao nhiéu gia tri ctia = trén doan [—m;27] dé ham s6 y = sinx nhan gia tri bing
—17?

(A)1. ®) 2. (©)3. (D) 4.

~ Z 2 2 3 . 2 ~ 7T 2 N £ ~ sz PN
Cadu 103. Tim tat ca cac gia tri ciia x trén doan |:—7T; 7} deé ham s6 y = cos x nhan gia tri am.

3w w3 T 3T
®re(-F:3)u(5T) ®re(-m-3)o(eT)
T m 3w 0 37?)
©$€(—W,—§)U(§,7) @.’L’G(O,W)U(§,? .
Cadu 104. Trong khoing nao sau day thi hai ham s6 y = sinx va y = cos z cling dong bién?
A (3—7T; 5—7T) (71;477)- © (—57T; —g—ﬂ)- D) (-m;0).
22 2 2
Cdu 105. Ham s6 y = sinx va y = sin 3z cung dong bién trén khodng ndo duéi day?
T w Tm 117 ) (7r 27r)
.7 .7 Toon). .27,
®(6’3> (3’2) ©(6’7T © (33

Cadu 106. Trong cac ménh dé sau c6 bao nhiéu ménh dé dang?

6 Con buong

Noi Pau Cé Y Chi & b6 C

a) Ham s6 y = x + sinz tuan hoan vé6i chu ki T' = 2.
b) Ham s6 y = x cosz 13 ham s6 18.

c) Ham s6 y = tan 3z dong bién trén tiing khoang xac dinh.

(A)0. ®) 1. (©)2. D) 3.

Cdu 107. Xét ham sb6 y = |sinz| trén khoang (0;27). Tim tat ci cac khodng nghich bién ctia ham
sO nay.

@(77; 27). (Z;TF> VA (%;27?).

2

©<g’3§) @(0;7‘(’).

11/97 ‘ B Th.S Pham Hiing Héi - 8 0905.958.921 m



https://www.facebook.com/ThayHaiToan.Mathematics/
https://www.facebook.com/ThayHaiToan.Mathematics/

1. Ham sd luong gidc: TXD, don diéu, tudn hodan Gido Vién Pham Hing Héi Chuyén Toén 10 - 11 - 12 & LTBH
V' J J J
Cadu 108. Tim chu ki T ctia ham s6 y = cos? 2x.
@T:g. B) T = 2n. ©T=r. @T:%.
( BANG PAP AN
1. Aj2. C||3. D4 B |l5. B||6. B ||7. B ||8& D ||9. D |/10. D
11. A [|12. C ||13. C ||14. D |[{15. D ||16. A ||17. B |{18. C ||19. D [[{20. C
21. A [|22. C ||23. B [|24. C ||25. D ||26. B ||27. C [|28. A ||29. D [|30. B
31. A ||32. C [|33. B [[34. B [|35. A [|36. B ||37. B [|38. C [{39. B ||40. B
41. A ||42. D ||43. B |[|44. A ||45. B [|46. C ||47. C ||48. C [[49. D ||50. A
51. D [|52. B [|B3. C ||54. D |[55. B ||56. D ||57. C ||58. C [[59. D [|60. D
61. A ||62. C [|63. D ||64. C [|65. C [|[66. B ||67. B [|68. D [|69. D ||70. C
71. B ||72. B ||73. C ||74. D ||75. B [|76. B ||77. A ||78. B [{79. C ||80. B
81. B [|82. C ||83. D [|84. D [[8. C ||8. B ||87. B ||88. D [|89. B [|90. B
91. A ||92. B [|93. B ||94. C [|95. D [[96. B [|97. B [{98. A |[|99. D ||100. C
101. D [|102. B ||103. C ||104. B [{105. C ||106. C [|107. B ||108. A

Gv Ths: Pham Hung Hai
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Bi12. HAM SO LUONG GIAC: PO THI

—NHAN BIET - THONG HIEU
Cadau 1. D6 thi ham s6 nao duéi day nhan truc tung lam truc déi xing?

@y:—Zcosx. (B) y = 2sina. @yzQsin(—x). @y:sinx—cosx.
Cadu 2. D6 thi ham s6 nao dudéi day nhan goc toa do lam tam doi xiing?

@y:—Qcosat. y:—QSinx. @y:—Qsinx+2. @y:—Qcosx—l—Z.

Cdau 3. Biét diém K (xg; o) thuoe do thi (C) clia ham s6 y = 1 + tan . Hdi diém nao dudi day ciing
thuoc do thi (C)?

@M($0+E;yo)~ (B) N (x0 + 7 90)- (©) P (m; o). (D) Q (0; yo + 7).

2
Céu 4. Cho diém M (%; o) . Db thi cia ham s6 ndo dudi day khong di qua didm M?
1
@yzl—Sian. y:sin4x. @y:taHQ:ﬂ. @y:§—0082x.

Cau 5. Xét ham s6 y = 2 + sinx c6 do thi (C). Trong cac khang dinh dusi day khang dinh nao

sai?
@ D6 thi (C') khong di qua gbce toa do. D6 thi (C) cét truc hoanh.
@ Do thi (C) nadm phia trén truc hoanh. (D) D& thi (C) cét truc tung.

Cdu 6. Cho ba ham s6 (I) : y = sin 2z, (II) : y = cos2x va (II]) : y = tan 2.
Trong cac ham s6 da cho, ham sd nao c¢6 do thi nhan truc tung lam truc déi xing?

(A) Chi (). Chi (I1). (C)Chi (I11). (D) C4 ba ham sb.
Cdu 7. Do thi ham s6 y = cosy/z di qua diém nao dusi day?
(A) M(r%-1). N(x%1). (© P(r;-1). D Q(-1;7).

Cdu 8. D5 thi ham s6 nao dusi day co diém chung v6i duong thing y = 17

@y:%sirm. (B) y = 3 + cosz. @y:sing. @y:sinx—l.

~ . « £ X . < £ N m . X s ~
Cau 9. Tinh tién do thi ham s6 y = tanz theo phuong song song truc hoanh 5 don vi, vé phia bén
phai thi dugc do thi clia ham s6 ndo trong cac ham s6 cho dudi day?

@yztan(m)—g. y:tan(x)—i-g. @y:cotx. @y:—cotx.

Cdu 10. Cho cac ham s6 y = cos3x, y = sinbx, y = tan4dz, y = cot 2x. Trong cAdc ham sb trén, c6
bao nhiéu ham s6 c¢6 do thi di qua goc toa do?

(A)1. ®) 2. (©)4. D) 3.

Cau 11. Xét ham s6 f(x) = cos2x trén tap D = [0;27] ¢6 d6 thi nhu hinh vé. Khang dinh nao sau

day 1a khing dinh sai?
Yy
1
3 TN Ly
™ m 2
4

Noi Pau Cé Y Chi & P6 C6 Con Dudng

X

. R . 7
@ Ham s6 f(z) dong bién trong khodng (Iﬁ, 27r).

Ham s6 f(z) nghich bién trong khodng (O; %)

13/97 ’ B Th.S Pham Hing Héi - 8 0905.958.921 m
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O
T

Gv Ths: Pham Hung

y J/ J J

. . 3
@Ham sO f(x) nghich bién trong khoéng (%, Zﬂ)

P N P 5}
@ Ham s6 f(z) dong bién trong khoang <7r; Zﬂ)

Cau 12. Db thi ham s6 y = sin(2z + 7) di qua diém nio sau day?
() M (0: 1), N(m;0). © P(-m1). D Qs -1).
Cdu 13. Diém nao sau day la giao diém ctia do thi cic ham s6 y = sin 2z, y = tan z?

@A(O; 1). B(g;O). @C(ﬂ';ﬂ'). @D(%;l).

Cdu 14. Biét ring do thi ham s6 y = acos 2z + cosz (v6i a 1a tham s6 thuc) di qua diem A(3m;4).
Tim a.

(A)a=4. B)a=2 (©a=3 (D) a=5.

Cadu 15. Trong cdc ham s6 y = sin2x, y = tanz, y = cosz, y = cos(—2x), y = cos(z + ), c6 bao
nhiéu ham s6 c6 do thi déi xting qua truc tung?

A) 3. B 2. (©)4. D) 1.
Cdu 16. Trong céac khang dinh sau, khing dinh nao la ding?

@ D6 thi ham s6 y = sinz dbi xting qua truc tung.

D6 thi ham s6 y = cosz dbi xiing qua goc toa do.

©D6 thi ham s6 y = tanz cit truc hoanh tai vo s6 dieém.

@ D6 thi ham s6 y = sinx 4 cos x cit truc tung tai diém c6 tung do bang 2.

Cadu 17. Hinh nao dudi day 14 do thi ctia ham s6 y = sin z?
Yy

AN
@ 0 !
@ 10) x @ x

Cadu 18. Ham s6 nao trong cac ham s sau c¢6 do thi ¢ hinh vé duéi day?

Y

3

w

3
8

3 —T ™ O

!
|
SR

@y:tanx. y:—cotx. @y:cotx. @y:—tanx.

Cadu 19. Xét ham s6 f(z) = sinz trén tap hop D = [0; 2x]. Hinh nao trong cac hinh sau la do thi
ctia ham s6 f(x)?

A RN
@o‘ J 0‘ m
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y J/ J J

—r oTy/\MC Ty/\ 27rx
© o’

- VAN DUNG

Cdu 20.
Cho ham s6 y = sin 2z ¢6 do thi 13 dudng cong trong hinh
beén. Tim toa do diém M.

@M(;l)- (B) M(m;1). i /\ x

©u (%) ©u(Z2) /o N\ \

Cadu 21. D6 thi sau la do thi ctia ham sd nao trong cac ham s6 dudi day? 2)

1Y o)

1 -

z ]

(0] K 27 I 3T am \ c

i O

3 O

@ — sin = cos = @ =sinx @ = —sins P

y 5 y 5 y . y 5 O

Cdu 22. ‘O

Bang bién thien ¢ hinh ben 13 ctia ham s6 nao dudi - (A

day, xét trén doan [0; 7|7 z |0 9 & O
1

@Z/:—COSQx. (B) y = cos 2z.

@yzQCosm. @y:sichc. y / \ 6
-1 -1 >

\
Ca . N e a1 12 .2 o < . T 3 8
du 23. Hinh ndo dudi day 1a bang bién thién ciia ham s6 y = cos 2z trén doan {—5, 7} ? 5
. m 3m O
Y72 ’ 2 T 3 )
1 1 O
@ -1 -1 -1
T T 3T
x D) 0 5 T 5
1 1 1
—1 —1
T m 3m
T D) 0 5 T 5
2 2
o 17 ~ -
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y J/ J J

3T
2
2

)
SRR

@ -2 -2

Cadu 24. Biét ham s6 y = sinx c6 do thi 1a duong cong trong hinh sau

Duong cong trong hinh nao dudi day 14 do thi ham s6 y = sin |z|?
Lty

ung Hai
/
ol§
N

|
| §
<
3
|
—_
)
R
3

XL
£
o.
L
o Lyy
P 3m 3T
I_é’ 3 PR
™ 0 ™ 0
> \/ 2 -1 2 \/
)
Ity
3T I -7 o 0] ™ ™ 3T
@ T 2 -1 2 9

3 —T ™ 3T

2 -1 2
@ 1

vl 3
Q
e

Cadu 25. Duong cong trong hinh nao duéi day 1a do thi ham s6 y = 2sin 227
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y J/ J J

N
(V8]
3
|
B
Q
ol

1 Yy
3 T !
~ 2 T, 2, : : : v
—2m 0] ™ m 3 2m I~
2 2
! ')
c
S
Yy
) (A
c
S
—27 —T T 21 v \o
s I o T e o O
2 2 2 2 2
‘O
QA
© £ 0

s

L

O

Yy S

2 \o

O

_3m T T 3m EU S

2 2 2 2 2 O

27 - (0] m 2m m
O

2

® 2

Cdu 26. Hinh nao duéi day la do thi ham s6 y = | sin x|?
Y Y

AANPAA

o
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Cdu 27. D6 thi trong hinh vé 13 clia ham s6 nao sau day?

@yz?cosa:.
yzl—l—cos(x—g).

@y =1+ cosz.

™
@y:l+cos(w—|—§).

—d oL L L L —

56 @y:cos(x—i—z). - y— 2cos<x—z>.
- @y:\/ﬁ008<$+%). yzcos(x—z).

O 4
1§ Cdu 29. Biét ring do thi ham s f(z) = cos 2z + 2 cos z di qua diém M (a;b). Hoi do thi ham s f(z)
T~ condiqua diém nao trong cac diém sau?
= (A) A(a + 7 —b). (B) B(—a; —b). (©)C(a—mb). (D) D(—a + 2m;b).
O- Cdu 30. Cho ham s6 y = sin3xz ¢6 do thi 6 Hinh 1, héi trong Hinh 2 1a d6 thi ciia ham s6 nao?
L y
= N
g ANVAYCTANVANYA
2 VARVARVIRVARVEE
. Hinh
5 inh 1 y
JAVAVAVAVA
[0 @
Hinh 2
@yzsin(f&x—i—l). (B) y = 1 +sin3z. @y:—1+sin3x. @y:|sin3x|.

Cau 31.

Cho do thi ham s6 y = cos 2 & hinh bén. Ho6i dd thi ham s6 y

Y = CoS (x — %) & hinh nao trong cac hinh sau day? T .

\/ O ‘ x
Yy
! :
(0]
Hinh 1

T Y
Hinh 2
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y J/ J J

Y
OT T

Hinh 3

(A)Hinh 1. Hinh 2. (C)Hinh 3. (D) Hinh 4.

-VAN DUNG CAO

~ X . £ 2 . ~ . N 7z N, N N
Cdu 32. Do thi cdc ham s6 y = g (sinx 4 cosz) va y = sinz la cdc dudng cong trong hinh nao
duéi day?

Y
T
2 | | /o
3m -7 T 0] ™ ™ 3m 2m
o 5 °n
® -
11 Y

Noi Pau Cé Y Chi & P6 C6 Con Dudng

3m -7 ) E n 27
Ty —1 2
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cos2x +4cosx + 3

N

va y = cosx la cac dudng cong trong hinh nao

Cadu 33. Do thi cac ham s6 y = \/

2

dudi day?
O
- -
(@) 9| Y
c
D
- 1
: N TN //\
c —2 37 —r _T \/
o. Y 2 —1_
B @
L
-
>
O

e
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y J/ J J

©

Cau 34.
Duong cong trong hinh beén la do thi ctia ham s6 y
3 3w 31
y = tanz trén doan |——; — |. Tim s6 nghiém ctia
272 21 O
3m 3
phuong trinh | tan x| = 7 trén doan [—g; ;} : 11 ,g
T3
(A) 3. B 4. (©)s. (D) 6. . o = A A
— 2| /11 2 > a
9l O
2~ Z . . Z 2 X . Z . 2 O
Cau 35. Tim tat ca cac gia tri cia tham s6 m dé do thi ham s6 y = sin® z + cos® 2 va duong thang \0
y =m c6 diém chung.
1 1 < L O
m< — \
(A)m < 1. B m>-. ©-<m<1. D) 1. Q
4 4 e A

?

Cdau 36. Tim s6 giao diém ctia do thi ham s6 y = cot(sinx) va truc hoanh.

@Vo s0. (B) 0. @1 @2'

Cadu 37. Xét ham s6 f(x ) = cos 2z trén tap hop D = [0; 27] v ¢6 do thi cho 6 hinh vé. Tim s6 giao >
diém t6i da ctia dudng thang y = m v6i m € R va dd thi ham s6 g(z) = |f(x)).

s

Ch

‘O

y O

1 -
\ ;/\z Ly S
L\ i Q

0] ™ ™ 27 z o
i D

Z

Ao, 8. ©r. D) 10.

Cadu 38. Cho cac ham s6 y = sin 2z va y = cosx ¢6 do thi trong ciing hé toa do nhu sau

Héi hai do thi cat nhau tai bao nhiéu diém c6 hoanh do thuoc khoang (0;2018)?
(A) 1285 diém. 321 diém. (C) 1284 didm. (D) 4036 diém.

Cdu 39. Hinh sau 1a do thi ham s6 nao trong cac ham s6 dudi day?
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y J/ J J

4

VARV ERVERN

@y:1—|—|sinx|. B)y=1+|coszl. @y:1+sin|x|. @y:1+|sin|x||.

CaAu 40. Dya vao do6 thi ham s6 y = cosx (tham khao hinh vé dudi day), hay tim tat ca cac gia tri
ciia z dé cosz < 0.

|
ol
|
wi
/ @
oy
ol

\/ O X
“6 3 T
T —— <z < —=
@—3—W<x<—z. 2 2
O 2 2 T 3T
C §<$<7
Pl | 3
T @—%+k2w<x<—g+k2w7kez. DS +kr<a<S+km kel
o ( BANG DAP AN )
o
»w (1. All2. B3 B4 C|l5. BIll6. B ||7. A |8 C[l9. D |[10. B
,-E 11. C [[12. B |[13. D |[14. D [|15. A |[16. C |[17. D |[18. D |[19. D |[20. C
> [21. D [[22. A [[23. A |[24. B |[25. C [|26. C ||[27. D |[28. B [[29. D |[30. B
(M [31. Al[32. DI[33. A|[3a. D|[35. C|[36. B |[37. B |[38. A |[39. A |[40. C
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Bir3. HAM SO LUONG GIAC: GTLN, GTNN

—NHAN BIET - THONG HIEU

Cau 1. Tim gi4 tri 16n nhat M clia ham s6 y = 3 + 2cos x.
(A)M=1. B) M =4. ©M=2 (D) M =5.

2sinz — 1

Cdu 2. Tim gia tri nhé nhat m clia ham s6 y =

5 .
@m:—%. m:—g. @m:—?). @m:—l.

Cadu 3. Tim gia tri 16n nhat M clia ham s6 y = 2 — | cos x|.
(A M=1. B) M =3 (©M=o. D) M=

~ . . £ 2 N A ~ T T
Cdu 4. Tim gia tri 16n nhat M cua ham s6 y = cosx trén doan [—' ] .

372
@M:%. (B) M =0. ©M=1. DM =-1.
Cdau 5. Tim gia tri nhé nhat m ctia ham s6 y = 1 — 2sinz trén doan [—%; 5%} .
@m:—l. m:O. @m:Q. @m:%.

Cdu 6. Tim gia tri 16n nhat M ctia ham s6 y = 3 — tanx trén doan [—%; g]

(A)M =0. B M=2 (©M=3-13. (D) M =4.
~ ) P 2
Cdu 7. Tim gia tri nhé nhat m ctia ham s6 y = cot x trén doan [%’?ﬂ] .
@sz. m:—l. @mzl. @m:—\/g.
Cadu 8. Tim gia tri 16n nhat M va gia tri nhé nhat m ctia ham sé y = 2 + 3 cos .
AM=5vwm=2 B M=5wwm=1 (CM=2vam=-1. DM=2vam=1

CAu 9. Tim gia tri 16n nhat M va gia tri nhoé nhat m clia ham s6 y = 2sinz — 3.

(A)M = —1vam=—5. (B) M =—1vam=-3.

(©OM=5vwvam=-1 (D) M =—5vam=5,
Cadu 10. Gia tri 16n nhat M ctia ham s6 y = 3 — 2sin 3z la:
(A)M =—1. B M =5 ©M=3. (D) M =1.

Cau 11. Gia tri 16n nhat M va gia tri nhé nhat m ctia ham s6 y = 5—8sin? 2z cos? 2z 1an lugt 1a:

(A)M =13 vam =5, (B) M =5vam=3

(©OM=5vam=-3. (D) M =13 vam = —3,

Noi Pau Cé Y Chi & P6 C6 Con Dudng

Gia tri nhé nhét ctia ham s6 1a 3, dat dugc khi sin? 4z = 1

@sin4x::|:1<:>4x:g+kﬂ,keZ©x:g+k%,kEZ.

Gi4 tri 16n nhat ctia ham s6 bang 5, dat dugc khi sindx = 0 < © = 4km, k € Z.

. . ) ) 1+4cos’z .
Cadu 12. Gia tri 16n nhat M va gia tri nhd nhat m cia ham s()y:—+ ;OS < lan luot 1a:
5 1
@M:?)Vamzz M:§Vém:§.
5 2
@M:§V51m:—1. @MzBVém:—g.
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y J J J

Cadu 13. Tim gia tri 16n nhat M clia ham s6 y = sinz — cos .

(A) M =0. B)M=1. ©M=2 D M = 2.

Cdu 14. Tim gia tri nhé nhat m ciia ham s6 y = 3 — 2cos? xsin’ 2.

@m:3. B)m=2. @mzl. @m:
Cdu 15. Tinh téng S ciia gia tri 16n nhat va gia tri nhé nhat clia ham s6 y = 3sinz 44 cosz + 1.

(A) S =12. (B) S = 10. (©)s=0. DS =2
Cdu 16. Tim gia tri nhé nhat m ciia ham s6 y = v/3sin 2z + 2 cos? x.

@m:—l—\/g. m:—3. @m:—\/g. @m:—l.
Cdu 17. Tim gia tri nhé nhat m ctia ham s6 y = |tanx + cot x|.

@m=—2. m=1. @sz. @m:2.

Cadu 18. Tim gia tri nhé nhat m ctia ham s6 y = sin® ¢ + sinx + 1.
3
@m:O. B)m=3. @mzl. @m:Z.

.. CAu 19. Tim gia tri 16n nhat M ctia ham s6 y = sinz + v/3 cos  trén doan [O; g} )
O
T AM=1+3 B) M =1. ©M=13 D) M =2

O) Cdu 20. Gia tri 16n nhat M va gia tri nho nhat m ctia ham s6 y = 2sin? z — cos 2z lan luot 1a:

DN | Ot

S5 Am=3vam=2 @ M=3vam=-1. ©M=2vam=-1. DM=2vam=0.
T Cdu21. Gi4 tri 16n nhat M vi gia tri nhé nhat m ctia ham sb6 y = v/3sin 2z — cos 2z + 4 lan luot
la:

CE)_ @M:4+\/§vém:4—\/§. M:5—|—\/§Vém:3—\/§.
E @M:4V51m:4—\/§. @M:E)Vém:&
S Cdu 22. Gia tri 16n nhat M va gia tri nhé nhat m cia ham s6 y = cosx + cos (a:— %) lan luct
I-E la: /3 /3

3 3 3

@M:\/gvam:—\/g. @Mz?Vém:—Q.
Cadu 23. Gia tri 16n nhat M va gia tri nho nhat m clia ham s6 y = cos? z + 2 cos 2z lan lugt 1a:
AM=3vwm=-1. B M=1vam=-1. ©M=3vam=-2 D M=2vam=1
Cdu 24. Gi4 tri 16n nhat M va gia tri nhé nhat m cla ham s6 y = /5 — 2cos? zsin® z 1an lugt
la:
V78 3v2

2
©M=VEam=2Y2 O M= VEwm=v3

Cdu 25. Gi4 tri 16n nhat M va gia tri nhé nhat m ctia ham s6 y = 3 cos? z + 2sin 2z — sin® x 4 5 lan
luot 1a:
(A)M =8 vam=4. B M=5+V3vam=5—/3
(OM=6+2V/2vam=6—22. DM=7+V3vam=7-+3.
Cadu 26. Gia tri 16n nhat M va gia tri nhé nhat m ctia ham s6 y = 5 cos? z + 3sin 2z — sin® z + 6 lan

luct la:
13 +3v3 13 - 3v3
@lelvamzf). M:+T\/_vam:—\/_.

2
19 + 3v/3 19 — 3v/3
@M:3\/§v§1m:—3\/§. @M:—FT\/_vam:T\/_.
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-VAN DUNG CAO

CAu 27. Tinh téng S cia gid tri 16n nhat va gia tri nhd nhit ciia ham s6 y = /3 — 2sin? 2 cos? z.

A)S=1+3. ®)S=1. ©)5 =3 D) 5= 2V3+VI0

2
sinx +cosz — 1

Cadu 28. Goi M, m lan lugt la gia tri 16n nhat va gia tri nhé nhét ciia ham s6 y =
Tinh s =m + 7M.

@s:Q. s:—%. @s:—g. @s:().

sinx —cosx + 3

Cdu 29. Tim gia tri 16n nhat M ciia ham s6 y = sin® 2 + 3 cos x trén doan [—% g]
1
@M:Z. M:Z?’. ©M=4. (D) M =3.
T O
Cadu 30. Tim gia tri nhé nhat m ctia ham s6 y = tanx + 2 cot = trén doan [E ﬂ c
o
@sz\/i. m:3. @m:M. @m:ﬂ. >
3 3 )
Cau 31. Cho cac s6 thuc a, b thay doi, théa man a? +b* = 1. Tim gia tri 16n nhat P, clia biéu thic ¢
_a+20+3 (o)
N 2a—b+%‘ 6 O
@Pmax:_- Pmax:2- @Pmax:g- @Pmax:6- 8
Cau 32. Cho cac s6 thuc a1, 79, y1, ¥ thay doi, thda man 22 + 22 = 3? +y2 = 2. Tim gia tri 16n nhat O
Prax ctia biéu thic P = (1 —21)(1 —y1) + (1 — 22)(1 — 1). ()
@Pmax:4_2\/§- Pmax:8- @PmaXZQ. @Pmax:4+2\/§- oo
Cdu 33. y ‘c
Duong cong trong hinh duéi mo td do thi cla 3 O
ham s6 y = Asin(z + a) + B (4, B,3a la cac hing >
$0, a € [—;0]). Tinh S = A+ B — ==, O
T
S =2 S =1. O
= p— 3
S =3 (D) S =0. =
Cadu 34. Gia trilén nhat M va gia tri nhé nhat m cia hW— 2 SIH(Q (A
lan luot 1a: ) N - O
— —wam=_2 _ 2 P
@M—Qv m=-g. 1 M 2Vam— 3
@M \/§—§V&m=— ~ 3 @M:Ovam:—l.

Cdu 35. Tim gia tri nho nhat ctia ham s6 y = sin = + cos* z.
1
Ao ® 7 ©1 D2

~ . . P . S PR . sinx +2cosx + 1
Cadu 36. Gia tri 16n nhat M va gia tri nho nhat m ctia ham s6 ctia ham s6 y = — lan
sinx 4 cosx + 2

luot 1a:
AM=-1m=-2 B M=2m=-1. CM=Lm=-2 DM=2m=1
-~ ., . 2, F< ~ L2 . ? A 2 N A 2 N A 2+COS',I; X
Cadu 37. Gia tri 16n nhat M va gia tri nho nhat m ctia ham s6 ctia ham s6 y = — an
sinx 4 cosx — 2
lugt 1a:
1 -5+ v19 -5 =19
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cC
Y |
XL
-
O-
L
o,
»n
L
—
>
)

26/97 '

1
©M=—g5m=-3 DM =3m=—
2sinx +cosx +3 ..

Cdu 38. Gia tri 16n nhat M va gia tri nho nhat m ctia ham s6 ctia ham s6 y = _ lan
2cosx —sinx 44

lugt 1a: ) )

AM=1:m=-1. B M=1;m=-2 @M:2;m:ﬁ. @M:§;m:0.

N . . . . — 25l
Cadu 39. Gia tri 16n nhat M va gia tri nhd nhat m cua ham s6 cia ham s6 y = M lan

—sinx

luct la: ) . .

@M:]_'m:—g. M:—'m:—§

—2 -2 1
©M=tim=-2 Oy =2tV 22V
3 3

o <z c 14 % NS . Py £ 5 N £ 9 N £ Sinl‘+2COSl‘—1 X

Cadu 40. Gia tri 16n nhat M va gia tri nhoé nhat m ctia ham s6 ctia ham s6 y = — an
sinx + cosx + 2

luot 1a: .

@M:2;m:—1. le;m:—Z. @M:—Q;m:—i. @M:2;m:1.

~ msinx +1 P
Cau4l. Choy=———— Tim m dé miny < —1.

2+ cosx
@m < —=3. m < 0.
©m>2. @m>2\/§\/m<—2\/§.
( BANG DAP AN )

1. D22 D3 D[4 A||5. A |l6. D |l7. D ||8& B 9. A ||10. B
11. B ||12. B [|13. D |{14. D ||15. D |{16. D [|17. D [{18. D ||19. D [|20. B
21. D [[22. C ||23. C ||24. C ||25. C |[26. C ||27. D ||28. D |[29. D [|30. B
31. B ||32. B ||33. B ||34. C ||35. B ||36. A [|37. B [|38. C [[39. D ||40. C
41. D
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N\ Vg ? Ve
Bir4. PHUONG TRINH LUONG GIAC CO BAN VOI
SIN X, COS X
—NHAN BIET - THONG HIEU
Cdu 1. Héi z = % la nghiém cua phuong trinh nao sau day?
@sinle. cosle. @sinx.cosxz%. @sianzO.
Cdu 2. Tim tap nghiém S cua phuong trinh sin z. cos (a: — %) =0.
(A)S = {kr k € Z}. B S = { +l~c7rk:eZ}
O
S={-Zikrkez S{k—kkz} -
@ { +RT,K € } @ m + R,k € 0
>
- N . \ . , T T
Cdu 3. Tim tap nghiém S ctia phuong trinh sin (x — Z) . COS (x — 6) =0. n)
A)S = { g 23 +k;7r,k€Z}. ®) S = { +k7rkeZ} 5
O
©)s= {—%%mkEZ} D s={F+kmkez}. o
~ . ) 1 O
Cdu 4. Tim tap xac dinh Z ctia ham s6 y = cosaEn 2 1) 8
@@:R\{—%Jrkw;ngkw,keZ}. B 2 — {——+k7r2+k7rkeZ}. O
@.@zR\{—ngk%,keZ}. D 9 = R\{ +kr ke 2}, \_S
CdAu 5. Tim tap xac dinh 2 clia ham s6 y = ! —. -
(cosz —1).sinz
W7 =R\{Z +r2m kez}. ®) 2 = R\ {kn, k € Z}. ‘8
C)@-J%{kaez} (D) 2 = {kr,k € Z}. S

¢
Cdu 6. Cho phuong trinh (sinz — 1).cosz = 0. Tim tap hop S tat cd cdc nghiem thuoc khoang 8
(—m; ) ctia phuong trinh da cho.

ws- {55} ws-{3). 5
@S—{—§}. DS = { +kr k€LY,

Cdau 7. Tim tap nghiém S ctia phuong trinh sin (z + 30°) . cos (z — 45°) = 0.

(A)S = {—30° + k180°, k € Z}. S = {—30° + k180°; 135° + k180°, k € Z}.
(C)S = {135° + k180°, k € Z}. (D) S = {45° + k180°, k € Z}.
Cdu 8. Héiz = g 1& nghiém ctia phuong trinh nao sau day?
@QSinx:—l. ZSinle. ©ZSinx:—\/§. @2Sinl‘:\/§
N 1
CdAu 9. Héi z = arcsin (—g) 12 nghiém ctia phuong trinh nao sau day?
1
@smx—g (B) sin(z 4 27) = —=
1
@sinx = arcsin (—g) @ sin(z 4+ m) = ~3
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Cadu 10. Cho a 1a mot s6 thiyce. Phuong trinh sin x = sin a tuong duong véi
xr=a+ k21 r=a+ k21
kelZ). kelZ).
®[m:—a+k27r( 2 $=7T—a+k277'( 2
©r=a+kr (ke). D)z =—a+kr (ke Z).
Cadu 11. Phuong trinh sinz = —1 tuong duong véi
@cosxzo. x:—g—l—k‘ﬂ(/{GZ).
T
r=—+k2m
Cz=-2 4k (ke D 2 (k € 7).
2 r=——=+k2m
2
5 SR 7 —_ V3
Cadu 12. Tim tap nghiém S cua phuong trinh sin 2z = —
2T 47
(A)S = {——-1—k:27r = +k:27r,k€Z}. B) S = {——+k27r = -|-k:27r,k:€Z}.
(©)s = { + k2, 56 +k27r,keZ}. D) s = { + k2w i2—|—k27r,keZ}.

Cau 13. Tim s6 nghiém ctia phuong trinh sin 3z = 0 thudc khoang (0, 7).

1. ®) 2. ©)3. D) 4.

Xe]
L Cadu 14. Tim tap nghiém S clia phuong trinh cosz = 1.
O (A)S={kem kecZ} B) S = {kn,k € Z}.
c
3 (©s= { +kr k€LY, @S—{—kz Z}
.-
E Cdu 15. Tim tap nghiém S cua phuong trinh cos 2z = 0.
k
o A S = { +kr k€LY, S:{f+§,kez}.
© ©s={+mmnrez} ©s={7+inkez}.
(72 ]
L
= Cau 16. Tim tap nghiém S ctia phuong trinh cos 2x = —g.
>
(O) @S {———I—k 38 —I—k7r,k€Z}. ® s = {——+/<:27T 38 +k27r,k€Z}.
@S { + km; 8+k7r,k;€Z}. @S {—+k27r 8+k27r,k€Z}.

N 1
Cdu 17. Tim tap nghiém S ctia phuong trinh cos 3z = 3

1 1 1
@ S = {—— arccos o + k2m; - ; 3 arceos + k27, k € Z}.

1 k2 1 k2

S = {—arccos§—|— Tﬁ;arccosg —i-?ﬂ,k € Z}.
1 1

@S = {— arccos + k2m; arccos 9 + k27, k € Z}.

1 k2m 1 1 k;27r }
—= -+ — = Z
@ S = { arccos o + 5 5 5 AICCos 3 = k€

Cdu 18. Tim tap nghiem S ciia phuong trinh cos 2z = v/2.

(A)S =R.
S {——aICCOS\/_—i- k; %arceosf%—kw keZ}
©5=wo.

DS = {—% + k2 % n k27r}.
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Cau 19. Tim tap nghiém S clia phuong trinh cos(x + 30°) = —?.
(A) S = {120° + k360°; k360°, k € Z}. S = {120° + k360° —180° + k360°, k € 7).
(©)S = {120° + k180°; k180°, k € Z}. (D) S = {120° + k180°; —180° + k180°, k € Z}.
Cdu 20. Tim tap nghiém S clia phuong trinh cos 2z = cos g
T T 7T 7r
@S:{—ngkwEJrlm,keZ}. S:{—g+k2w6+k2wkez}
@S { +k7r3+k7r,k€Z}. @S { + k2m; §+k27rk€Z}
~ 1
Cdu 21. Tim tap nghiém S ctia phuong trinh cosx = cos 3
1
@S { +k27r7r—§—|—k27r kGZ} OFE {——+k27r +/<:27T,k:€Z}.
©)s= {——+k27r3+k27r,k€Z}. DS = { + k2 3-|—k:27rk:eZ} 2
o
Cdu 22. Tim tap nghiém S clia phuong trinh cos 3z = cos 45°. |
(A)S = {15° + k120°;45° + k120°, k € Z)}. S = {—15° + k120° 15° + k120°, k € Z)}. [
(C)S = {15° + k360°; 45° + k360°, k € Z}. (D) S = {—15° + k360°; 15° + k360°, k € Z}. S
Cau 23. Tim tat ca cac gia tri clia s6 thuc a dé phuong trinh cos 2z = a — 2 ¢6 nghiém. O
(Aae[-1;1]. B) [0; 4. (©ac [—— (D) ac1;3). ‘0
22 O
Cdu 24. Tim tat ca cac gia tri ctia s6 thuc a dé phuong trinh cosz = a® ¢6 nghiem. ‘8
@aER. B)aeR \{0}. @aE[O;l]. D)ac[-1;1 o
o
Cau 25. Tim tat ca cac gia tri clia s6 thuc m dé phuong trinh cos 2z = cosm c¢6 nghiem. —
N 11
@mER. Khéng ton tai m. @me [—1;1]. @me {—— —] 6
D=
= ‘O
-VAN DUNG O
=
sin (m — I) O
Cdu 26. Tim tap xac dinh Z clia ham s6 y = = 3 — )
sin (rc — —) coS (237 — Z) 6
A 2 = R\{ +k7rkeZ} ® 2= R\{ +kmkr k€ 2}, =
3
© 2= R\{ Sy +k k:eZ} @@:R\{gw?kez}.
Cdu 27. Tim tap xac dinh 2 ctia ham s6 y = 5
’ P ' y_(l—sian).(cos?)x—l)'
2 2
@@:R\{k—”~f+kmez}. @:R\{k’%,k‘ez}.
© 2= ]R\{ +kr,k €L}, D 2 =R\ {k2r; > + k2m,k € Z}.
2
~ e 01 2 1 —cos3zx
Cdu 28. Tim tap xdc dinh & ctia ham s6 y = - )
(sindx +1).(1 — cosx)
@@:R\{—fwg-kzwkez}. (B) 2 =R\ {k2r,k € Z}.
© 2= ]R\{k;—k Z} @Q:R\{—gmg,kez}.
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4. Phuong trinh lvong gidc co ban véi sin z, cos z Gido Vién Pham Hung H&i Chuyén Toén 10 - 11 - 12 & LTBH
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Cadu 29. Cho phuong trinh sin (3:v — %) . COS (x — %) = 0. Tim s6 nghiém thuoc khoang (0; 27) ctia
phuong trinh da cho.
(A) 5. 6. ©. (D) s.
Cadu 30. Tim s6 nghiem thuoc khodng (—;7) ctia phuong trinh sinz + sin 2z = 0.
A) 3. B 1. (©)2. D) 4.
Cau 31. Tim s nghiem thuoc khoang (0; ) ctia phuong trinh sin (a: + g) + sin bx = 0.
(A) 4. (B) 5. (©)s6. D) 7.

~ Z .2 .2 .= Z P L . o < . T
Cdu 32. Tim s6 diem biéu dién tat ca cac nghiém ctia phuong trinh sin x. cos (m + §> =0.

(A)1. B 2. (©)3. D) 4.

~ ) 2x — 1
Cdu 33. Tim s6 nghiém ctia phuong trinh sin - 5 thudc khoang (0, 27).

7
(A)1. B 2. (©)3. (D) 4.
Cadu 34. Tim sb6 nghiém ctia phuong trinh sin 3z = sin 5z thugc doan [0, 27].
(A)7. 8. (©)o. (D) 11.

O Cau 35. Phuong trinh sin 4z + sin z = 0 khong tuong duong véi
= @ sindx = sin(z + 7). (B) sin 4z = sin(—x).

O T k27

5 T3 .
l:I:: @ ror (keZ). (D) sin 5z = 0.

r=—

E 5

O- Cau 36. Phuong trinh sin 2z = cos 2 khong tuong duong véi

= - (f ) in 2z = si (f )
o @cosx cos 2—|—2x . s1n2x7r sin 2—|—:17 .
as =—+ k27

(2] ) T x 5 +

I-E ©81n2x281n<§—x>. @ Cr o k2n (keZ).
> T3

) Cadu 37. Phuong trinh sin 3z + cos x = 0 tuong duong véi

@sin&x = sin (g +2:1:>. T = —g + k2n(k € Z).
3 k2w . : 7T
@x—E-I-T(k:EZ). @sm3a:-sm(:c—§>.

Cdu 38. C6 bao nhiéu diém trén duong tron lugng gidc bicu dién tat cac nghiém ctia phuong trinh
sin 4x cos x = sin 5z cos 2x7

(A)2 diém. 5 diém. (©)9 diém. (D) 14 diém.
Cdu 39. C6 bao nhiéu diém trén duong tron lugng gidc bicu dién tat cac nghiém ctia phuong trinh
sinz + cosz = v/2sin 227

(A)2 diém. 3 diém. (C)4 diém. (D) 1 diém.
Cadu 40. Nghiém 16n nhat ctia phuong trinh (sinz — 2)(sin4z — 1) = 0 trong khoang [0; 27| gan bang
gi4 tri nao nhat trong cac gia tri sau?

(A)5,11. 5. (©)5,5. (D) 3,53.
Cdau 41. Mot vat thé chuyén dong v6i van téc thay ddi c6 phuong trinh v(t) = 2+ sin(rt + %) (t tinh
biang giay, van toc tinh biang m/s?). Trong khodng 1 giay dau chuyén dong, thoi diém vat thé dat van

toc 3 m/s? 1a

1 1 3
(A)1 giay. | siay. © 5 giay. D) ° giay.

4
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N 1
Cdu 42. Tim tap nghiém S cia phuong trinh cos (22 — 30°) = —3
(A) S = {—45° + k360°; 75° + k360°, k € Z)}. S = {—45° + k180° 45° + k180°, k € Z}.
(C)S = {—45° + k180°; 75° + k180°, k € Z}. (D) S = {—75° + k180°; 75° + k180°, k € Z}.
Cdu 43. Tim tap nghiém S ctia phuong trinh cos (g + 20°) = —?.
@ S = {260° + k360°; 20° + k360°, k € Z}. S = {260° + k360°; —340° + k360°, k € Z}.
= {260° + k720°; 20° + k720°, k € Z}. (D) S = {260° + k720° —340° + k720°, k € Z}.

~ 1
Cdu 44. Tim tap nghiém S ctia phuong trinh cos (290 — %) 3
T

117 7
(A)S = {——l—km o +k7rkeZ} 5_{ﬂ kw—ﬂlemkeZ}
(©)S = {——-Hm 4—|-k;7rk€Z} @sz{ 4 kom ;4+k27r,kez}.
Cdu 45. Tim tap nghiém S ctia phuong trinh cos (21’—1—%) = cos (SE—F%)

11 k2
A S = {——+k27r ”+k2w,kez}. ®) S = {——+lm—” —”kez}.

36 36 3

5T Tm k2w }
(©)s = {——+k27r 36+k27r,kez}. D) S = {——+k27r—36 ke
CdAu 46. Tim tit ci cac gid tri thyc clia 2 dé gia tri ctia hai ham s6 y = cos(2z+ 1) vi y = cos(z — 2)
tuong ting bang nhau.

2 2m

@S:{—3+k27r;—1+kT7r,k:€Z}. S:{ 3—|—k:27r,g—1+k3 /{:EZ}

1 k2 1 k2
@S:{—3+k2ﬂ';§+%,k€Z}. @SZ{—S—F/{?QW;%-Fg 7Tk: Z}

-VAN DUNG CAO

Cadau 47. Tim s6 nghiém thuoc khoang (0; 27) ctia phuong trinh sinz + 2 sin 2z + sin 3z = 0.

(A)6. ®) 5. (©)4. D) 3.

° i indxr — 2cos?2
Cdu 48. Tim s6 nghiém thuoc khoang (0; 27) ctia phuong trinh SIn 4% : cos2r _
cos 2z

(A)o. ® 1. (©)2. D) 3.

Cau 49. Cho phuong trinh cos(5x + 7) + sin (g - 5x) .sin3z = 0. Tim s6 nghiém thuoc khoang

Noi Pau Cé Y Chi & P6 C6 Con Dudng

(0; g) cua phuong trinh da cho.

e ® 2. ©s. D) 4.

Cdu 50. Cho phuong trinh sin z + 2sin 22 + sin 3z = cos z + 2 cos 2z + cos 3z. Tinh tong S tat ci cac
nghiém trong doan (0;7) ctia phuong trinh da cho.

@S:%- S:%. ©5_177T @5_137

Cdu 51. Cho phuong trinh sinz cos2z — sina = cos2x — 1. Tinh téng S tat cd cac nghiem thuoc
(0; ) ctia phuong trinh da cho.

@S:g. S:%W. @sz%ﬂ. @sz‘%’.

Cdu 52. Cho phuong trinh sin 2z + 2 cosz + cos 2z — 2sinz — 1 = 0. Tinh tong S tat cd cac nghiem
thudc (—m; ) ctia phuong trinh da cho.

S =2r. ® 5= S =—m. Ds=
3 7
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. 3 . )
Cdau 53. Cho phuong trinh sin z cosz = 2(sin* x + cos? ) — 3 Tinh tong S tat ca cidc nghiém thudc

(O; g) cua phuong trinh da cho.

T 5 T 5%

Cdu 54. C6 bao nhiéu diém trén duong tron lugng gidc biéu dién tat cac nghiém ctia phuong trinh
1
sin z cos x cos 2z cos 4w = =7
(A)2 diém. 4 didm. (C)8 diém. (D) 16 diém.
Cau 55. Phuong trinh |sin 9z| + | sin4x| = 0 tuong duong véi
@a::mr(nEZ). B) z =n2r(n € Z). @CC:TL?)?T(TLGZ). @x:%(nEZ).
Cadu 56. Tim s6 nghiém ctia phuong trinh vz — 22.sin 20172 = 0.
(A) 645 nghiem. 644 nghiem. (C) 643 nghiem. (D) 642 nghiem.

Cdu 57. S6 gio ¢6 anh sdng mit troi cia mot thanh phd A & vi do 40° bic trong ngay thi ¢ clia mot
nam khong nhuan dude cho béi ham s6

d(t) = 3sin [i(t - 80)] L12v6it € Z Va0 < I < 365,
" 182
O
L Vao ngay ndo trong nam thi thanh phd c6 nhidu gio c6 anh sang mit troi nhat?
O @ Ngay tht 170 trong nam. Ngay tht 171 trong nam.
,g @ Ngay tht 172 trong nam. @ Ngay tht 173 trong nam.
- - 1
E Cadu 58. Tim s6 nghiém ctia phuong trinh cos? z = — tren doan [—5 2#}
.cc)' A) 3. (B) 4. @ 5. (D) 6.
N 3 7
O- caus9. Phuong trinh |cos x| = \/7— ¢6 bao nhiéu nghiém trén doan [ T, 771
(72 ]
C (A)8. B 9. (C©)10. (D) 11.
~ Cadu 60. Phuong trinh cos(sinz) = 1 ¢6 bao nhiéu nghiém trén khodng (—2m;4m)?
O @As (B) 6. ©r. (D) 3.

Cdu 61. Tim s6 nghiém ctia phuong trinh cos(3sinz) = 0 trén khoang (—; 3m).

(A)s. (B) 6. ©r. D)s.

~ 74 5
Cdu 62. Tim sb nghiém ctia phuong trinh COS(W sin ﬁ) = —1 trén khodng ( g ;T)

(A) 1. ®) 2. (©)3. D) 4.

Cdu 63. Tim s6 nghiém ctia phuong trinh cos(37 sinx) = cos(wsinz) trén doan [—; 47].

(A) 19. (B) 20. (C)21. D) 22.

Cdu 64. Tinh téng S ciia tat ca cac nghiém ciia phuong trinh cos 2z cosz = 1 +sin 2z sin z trén doan
[—7; 4r].

@S:37r. B S = 4r. ©S=57T. @52671

Cdu 65. Tinh tdng S ciia tat ca cac nghiém ctia phuong trinh cos? z — sin? # = 1 trén doan [—m; 27].
@S:—ﬂ'. (B) S =2r. @S:47T. @5267{'.

Cadu 66. Goi m la sd6 nghiém ctia phuong trinh cos (2:13 — %) = —1 thuoc doan [0;50]. Khang dinh

nao sau day la dang?

(A)0<m<S8. (B)8 <m < 13. (©13<m<17. (D) m > 17.
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CdAu 67. Tinh tdng S tat cd cac nghiem trén khoang (0; 1007) clia phuong trinh cosx = 0.

(A) 5 = 4950r. S = 50007 (©) S = 50507 (D) § = 5100x.

( BANG PAP AN

1. Cll2. DJ[3. A4 A|5. B|6 A|l7. BJ8. DIJ9. B |/10. B

11. C ||12. A ||13. B ||14. A ||15. B [|16. A [[17. D ||18. C [|19. B ||20. A

21. B [|22. B |[23. D ||24. D ||25. A ||26. C |[27. A ||28. A [[29. D |[30. A

31. B ||32. D ||33. A |[34. D ||35. D [[36. A ||37. D ||38. D [[39. C |[40. A

41. B [|42. C ||43. D |[|44. B ||45. D [|46. C [{47. D ||48. A [|49. C ||50. A

51. A [|52. C [|B3. A ||b4. C ||55. A [|56. B [|57. B [|58. C [||59. B [|60. A

61. D ||62. B [|63. C ||64. D [|65. B ||66. C [|67. B
(@)
C
o)
>
n)
c
O
@)
‘O
®)
‘O
n)
O
[ \p—
L
O
>
‘O
O
- )
O
n)
(0]
Z

o
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y J/ J J

Bir5. PHUONG TRINH LUGNG GIAC CO BAN VOI
TAN, COT

—NHAN BIET - THONG HIEU

Cadu 1. Phuong trinh cot z = 1 tuong duong véi

@cosle. ng—i-lmr,kEZ. @tanle.

-~ £ e Z 2 N . P m
Cdu 2. Tim tat ca céc gia tri ctia tham s6 m dé phuong trinh sinxz = mcosz véi x # 5 +km, ke
c6 nghiém?

@|m[§1. B)meR. @\m]<1. @mEZ.
Cadu 3. Chon ménh dé dang trong cac ménh deé sau.
@tan:c =m & x = arctanm + km, k € Z.
tanz = m < x = arctanm + kw, k € Z.
@Phu’dng trinh tanz = m chi ¢6 nghiém khi va chi khi |m| < 1.
— @ Phuong trinh tanz = m chi ¢6 nghiém khi va chi khi |m| > 1.

o
= Cdud4. Cho phuong trinh cot z = m. Ho nghiém ctia phuong trinh nay 1a
x = arctanm + km, k € Z.

x:arctan%-l—k‘ﬂ,k:EZ.

D)z =km ke Z.

1
@x = arctan — + 2km, k € Z.
m

) 1 £
@x:g+k7r,kEZnéuszv?&xzarctan——kkw,kGZnéum;éO.
m

(A)o. ®) 1.

Gv Ths: Pham Hung

@xz—%-l—?km,k‘eZ.
(C)x =2kn k€ Z.

CdAu 5. S6 nghiém ctia phuong trinh 3 tan (35 + %) + /3 = 0 thuoc doan E,

7 a

(©)2. D) 3.

Cdu 6. Tim ho nghiém ctia phuong trinh v/3 cot (x + g) —1=0.

xz—%—l—km,k‘EZ.

@:L’Ikﬂ',kEZ.

Cadu 7. Phuong phuong trinh 1 + tanz = 0 ¢6 ho nghiém la

@ngww, kel
©$:—%+kﬂ', ke Z.

Cdu 8. Phuong trinh tan 2z = 1 ¢6 ho nghiém 1a
Bo=I+ hez
8 27 '

@l’:%-l-kﬁﬂ', kelZ.

ngwzw, kel

@x:—g-l—k;%r, ke Z.

x:%Jrlmr, ke

@xz%-l—k?m ke Z.

CdAu 9. Ho nghiém ctia phuong trinh cotz + /3 = 0 1a

@xz—%+k7r, kel
@x:g-l—k%r, kelZ.

xz—%—i—kﬁr, kel

@x:%-l—kﬁ, ke Z.

Cau 10. Phuong trinh tan (2z 4+ 12°) = 0 ¢6 ho nghiém la

(A)x = —6° + k180°, k € Z.
(C)x = —12°+ k90°, k € Z.

(B) z = —6° + k360°, k € Z.
(D)z = —6°+ k90°, k € Z.
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Cau 11. Ho nghiém ctia phuong trinh v/3 tan (3x + 3%) =01la
s s s s
@x_g;rkz,wkez. B z= —§+k% k€.
= —— = 7. = —— 7.
©Fr: kg, ke D)z = = thg, ke
Cdu 12. Phuong trinh tan T —tanz c6 ho nghiém 1a
2
Az =kor, keZ Bz =kn, keZ
©a=r+kr, kel @x=g+lm, kel
Cadu 13. Ho nghiém ctia phuong trinh tan?z = 3 1a
@x:—g-i-k:?r,keZ. a:z:l:g+k7r,k:EZ.
@phu’dng trinh vo nghiém. @ T = g + km, keZ.
O
A c
-VAN DUNG /g
- T T _ )
Cdu 14. Phuong trinh tan (§ — x) tan (5 + 255) =1 ¢6 nghiém la c
@x:—%Jrkw,keZ. x:%Jrkw,keZ. 8
@V@ nghiém. @ r = 5% +km k e Z. o)
O
Cdéu 15. Phuong trinh 6 tan zsinz + 3v/3 + 9tanz + 2v/3sinz = 0 ¢6 bao nhiéu nghiem thudc doan \O
[—2m; 27]? n)
(A)1. ®) 2. (©)3. (D) 4. O

s

Noi Pdu Co Y Chi

Cau 16. Phuong trinh sin (53{: — g) — oS (5x — g) + 2tan (537 — g) — 2 =0 c¢6 bao nhiéu nghiém

thudc doan [—m; 7]?
(A)11. (B) 10. (©)o. (D)s.

Cdau 17. Tong clia tat ca cac nghiém ctia phuong trinh (2sin?2 — 1) tan2z + 2cos?x — 1 = 0 trén
doan [0; 27] bang

9 ) 11 7
®° ®2 i o
CdAu 18. Phuong trinh tan 3z—2sin? £—2 cos? 24++/3 = 0 ¢6 bao nhiéu nghiém thuoc doan [—; 71]?

A)s. (B) 6. ©r. D)s.

N 3 .
Cau 19. Phuong trinh v/3 tan (3:5 + g) =0 ¢6 1 ho nghiém 1a z = arw +kbr, k € Z. Héi a+ b bang

s

bao nhiéu?
2 2 2 2
3 B i O
. ) R . T . T km oL
Cdu 20. Nghiém cta phuong trinh tan 2z — cot (x + Z> =0c6bdang v = — + —,k € Z. Khi do
nom
m.n bang
(A)8. 32. (C)36. (D) 12.
L 4=01a
T T
T =——+Fkm r=——+ k27
(A) 4 keZ. 4 keZ.
x = arctan(3) + krm xr = arctan(—3) + k27

o
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Gido Vién Pham Hing H&i Chuyén Todn 10 - 11 - 12 & LTBH

©e=-J+km kel

@x:—g—l—kQW,keZ.

X ) 3
Céu 22. 86 nghiem cita phong trink 3 tan (v + % ) +v3 = 0 vz € B f] la

©1. (D)o.

Cdu 23. S6 nghiem ciia phuong trinh v/3cot2z — 1 =0 véi x € (O; g) 1a

(A) 3. ®) 2.

(A)0. ® 2.
Cdu 24. Nghiém ctia phuong trinh cot <x + g) —
bang

@ -3. (B) 5.

©1. D) 3.

km

\/gcédangxz—z—i-—,kez.Khidén—m
nom

(©) 5. D) 3.

Cdu 25. Phuong trinh tan®z + 5tanz — 6 = 0 ¢6 ho nghiém la

xr = arctan(—6) + k27

a::z—i—knr

©

x = arctan(—6) + ke

4 , ke

4 keZ.

x = arctan(—6) + k2m

@ _I =kr LeZ
| © = arctan(—6) + k7’ '

Cdu 26. Ho nghieém clia phuong trinh v/3tan?z — (1 + \/5) tanz +1=01a

- T
r=—+km
A 4 , keZ
r=—+kr
- b
:L‘:Z-l-k‘QW
T , keZ.

_:vzz+k27r

3 keZ.
r=—+ k27
- f
r=—-+km

@ 73T , keZ.
_$:6+k”ﬂ'

Cdu 27. Phuong trinh tanz = cot z ¢6 ho nghiém 14

@x:—%-f-kﬂ', keZ.
©a =T +kr, kel

Gv Ths: Pham Hung Hai
©

Ba="+k2, ke
e
@xzz—kkz, ke

S
[\»}

Cdu 28. Ho nghiém cla phuong trinh tan3ztanz =1 1a

m m
(:) =—+4+k=, keZ.
RN
=—4k—, keZ.
©a=g+hy ke

Cdu 29. Giai phuong trinh tan 3z. cot 2z = 1.

@ Phuong trinh vo nghiém.
T 77
(:) =——+k-, kel
x 1 + 5 €

v T
Tkt kez
OF; %+ s S
Dz=21kl kez
r=g iy RE

x:kg, ke

@x:/mr, ke Z.

Cadu 30. Ho nghiém ctia phuong trinh tanz + cotz = —2 1a

@x:%-l—k%r, keZ.
©a=7+km kel

x:—g-l—k:%r, ke Z.

@x:—g—l—lm, kel

Cadu 31. Phuong trinh tanx + 3 cot x = 4 ¢6 nghiém la:

4 , kel
xr = arctan 3 + k27

@x:%-l-knr, ke Z.

@ IL‘:z-l-k‘Q’iT

x—E+k‘7r
4 . keZ.

x = arctan 3 + k7

@x = arctand + km, k € Z.

v =—>tkn
4 kel

y J/ J J

e
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Cadau 32. Tim tap nghiém S ctia phuong trinh 3tan——\/_ 0 biét rang = € [0; 27)
o weo(Z) e es-{z)

Cadu 33. Cho phuong trinh tan (2z — 15°) = 1 biét rang —90° < z < 90°. S6 nghiém ciia phuong
trinh la

(A)1. ® 2. (©)s. D) 4.
Cdu 34. S6 nghiém ctia phuong trinh tan z = tan (31)—7{) trén khodng (%, 27r>
(A)1. B 2. (©)3. D) 4.

Cadu 35. S6 nghiém clia phuong trinh 2tanz — 2 cot z — 3 = 0 trong khoang (—g; 7r> la

2. ®) 1. (©)4. D) 3.

O
c
_VAN DUNG CAO 'g
. (A

” N anx 1 T N T . N ) N
Cdu 36. Cho phuong trinh ———— = ~cot (x + —) véi x € (0; —) ). SO nghiém ctia phuong trinh €
1 —tan“x 2 4 2 (o)
la O
(A)2. ® 1. (©)3. D) 4. O
Cdu 37. Phuong trinh: tan (ﬁ - x) + 2tan (Zx + z) = 1 ¢6 nghiem la O
T 2 2 T ‘O
@x:1+k2w,kez. m:Z—Hmr,k;EZ. Q
@xzzjtkz, ke Z. @xz:l:ﬁ+k7r, keZ. °O
4 2 4 Sy
~ N 7T Z LN N c
Cdu 38. Phuong trinh: tan (x + Z) +tanx = 1 ¢6 ho nghiém la (@)
=k = k2 >
AT kel v e ke i
x = arctan 3 + km x = arctan3 + km O
@ x=k2r, k € Z. @ Phuong trinh vo nghiém. —
Cau 39. Phuong trinh 2tan?z + 3tanz + 2cot>z + 3cot z + 2 = 0 ¢6 bao nhiéu nghiém trong nita ‘O
- 237T QA
khoang -
44 O
(A)5. (B) 6. ©r. D) s. e

Cadu 40. Phuong trinh tan 2z + tanz = 0 ¢6 bao nhiéu nghiém trong doan [—4m; 57]?

(A)28. 27. (©)19. (D) 18.

Cau 41. Goi xy, 29, T3, ...., T, 1a nghiém ciia phuong trinh tan 3z = tan x trong doan [_77, 117r] . Tinh
téng 1+ 29+ 23+ ... + 0.

(A) 1267 661 (C) 65 (D) 1257

s
tan cot (:v + Z)

Cdu 42. Phuong trinh — = ¢6 bao nhiéu nghiém trong doan [_—W, 67?} ?
1 —tan“z 2 2

(A)12. (B) 18. (©)19. (D) 11.

( BANG PAP AN
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5. Phuong trinh lvong gidc co bdn véi tan, cot Gido Vién Pham Hung H&i Chuyén Toén 10 - 11 - 12 & LTBH
y J J J
1. C 2. B||3. A4 D|5. B ||6. D ||7. C ||8& A [|9. B ||10. D
11. D ||12. A ||13. B ||14. C |[{15. D ||16. B ||17. D |{18. B ||19. B [{20. C
21. A ||22. C [|23. C [[24. B [|25. C [[26. A ||27. B |[28. C [[29. A ||30. D
31. B ||32. D [|33. B [[34. B [|35. D [[36. A ||37. B [[38. A [[39. C ||40. A
41. B ||42. A

=
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y J/ J J
Bi16. PHUONG TRINH LUGNG GIAC DUA VE

PHUONG TRINH CUA MOT HAM SO LUQNG
GIAC

—NHAN BIET - THONG HIEU

Cau 1. Giai phuong trinh sinz + cos (m — g) =2.

Az = kn k€ Z. x:g—i—lm,kez.
(©z=kor k € Z. @x:ngkZﬂ,kEZ.
O
- . @ 7T c
Cdu 2. Giai phuong trinh tan <x+§> + cot (6—m> = 2¢/3. 0
Az =k kel B)z = k2m k€ Z. 3
@xz%-ﬁ-kw,k’ez. @x:—g—i-lmr,kGZ. s
Cadu 3. Giai phuong trinh |sinz| = 1. 8
T
@x:kQ;r,kGZ. x:§7—rf—k27T,k?€Z. O
Co=-S+km kel D w =+ +k2m ke 7. O
2 2 e
Cdu 4. Giai phuong trinh 2sin®z + 5sinz + 3 = 0. QA
@xz—g—l—lm,kez x:—gwfw,kez. O
\C
Caz=-Z+k2r kel Dz=-—2+-—" kel C
2 2 2 O
Cdu 5. Giai phuong trinh —— +3cotz+1=0 >
k S km T  km km ‘0
T
@x:—%+7,x:arccot(—2)+7,k€Z. x:—Z+?,$:arccot(—2)+?,kez. @
@x = —% + km,x = arccot(—2) + km, k € Z. @x = % + km,x = arccot(2) + km, k € Z. <g
Cdu 6. Giai phuong trinh cos2x — 5sinz — 3 = 0. e
@xz—%ww,x:%”mw,kez x:—%+k37r,x:%r+k37r,keZ. 2
7 7
@x:—%—i—mmx:g—i—mﬁ,kez @x:—%+k2w,x:%+k2w,kez
Cdu 7. Giai phuong trinh tanz + 2cotz — 3 = 0.
@x:ingn,kez xz:l:%Jrlm,k:eZ.
@x:%-l—kw,m:arctanZ-l—kﬁ,keZ. @a:z:l:%+k7r,a:::|:arctan2+k:7r,k€Z.
~ . 2tanz
Cdu 8. Giai phuong trinh ———— =5
1 —tan“x .
@x:arctan5+k7r,k€Z. xzﬁarctan5+kﬂ,k€Z.
1 k 5
@xziarctanf)—i—;,kez. @x:arctan§+k7r,k€Z.

Cdu 9. Gia tri nao dudi day la mot nghiem ctia phuong trinh sin? 2 — cosz = 1?7

@x:%. x:—%. @x:—g. @m:O.
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Cadu 10. Mot ban hoc sinh giai phuong trinh cos 2z + 2sinz = 0 theo trinh ty nhu sau:

Buéde 1: cos2x +2sinz =0 < cos2x = —2sinzx
Buée 2: < 2cosx = —2sinx
Budc 3: <:>tan:c:—1<:>x:—%+k7r, (keZ).

Bude 4: Vay nghiém cia phuong trinh la = = —% + km, (k€ Z).

Loi gidi trén ding hay sai? Néu sai thi sai ¢ Budc nao?

(A) Sai ¢ Budc 1. Sai ¢ Budc 2. (C) Sai 6 Budc 3. (D) Diing.
Cau 11. Giai phuong trinh —sin?z + 2cosz — 2 = 0.

@Phu’ong trinh ¢6 nghiem x = k27, (k € Z).

Phuong trinh ¢6 nghiem = = kn, (k € Z).

@Phu’dng trinh ¢6 nghiem x = g + k2, (ke Z).

@ Phuong trinh vo nghiém.

~ . 1
‘g Cdu 12. Tim tap xac dinh ctia ham s6 y = ———.
sinx — cosx
D @W-R\{klk ez} ® 2= R\{ -|—k:7r|k€Z}
=
2 ©2- R\{ +k27r|keZ} D 2 = R\{ -|—k:7r|keZ}
E Cdu 13. Tim tap nghiém S ctia phuong trinh cos 2z + 9cosz + 5 = 0.
O _ {_z m }
£ (A)S o Tk - kamlk € L)
.. Sz{—g+k27r,g+k27r|k€Z}.
(72
— V12 — V12
|'E @S = {— arccos (94—9> + k2w, arccos (9%49) + k2r|k € Z}.
> 2m
O ©Ds-= {——~|—k27r 5 +k27r\k:ez}.
Cdu 14. Tim tap nghiém S ctia phuong trinh cot? z — — +3=0.
@S { —i—k’ﬂkGZ} Sz{%+k7r arccot3+k:7r\k’€Z}
©)s = { + k2, arceot 3 + k2nlk € 7.} D) s = {—— + k2m, T+ k2nlk € z}.
~ 1
Cadu 15. Tim tap nghiém S ctia phuong trinh P + (1 —+/3)tanz — (1 ++/3) = 0.
@A) S = {——+k7r3+k7r\keZ} ® S = {——+k7r6+k7r]keZ}
©)s = {——+k27r §+l<:27r|k;eZ} DS = {——+k27r g+k27r|k'eZ}
Cdu 16. Tim tap nghiém S ctia phuong trinh 4sinz — sin3z — 1 = 0.
AS=o. B S= {——+k27r6+k27r|kez}.
27 om
@S { + k21, — 3 +k27r|k€Z}. @S { + k21, — 3 —I—k27r|k:€Z}.

- 3
Cdu 17. Phuong trinh 2cos?z — 3sin (a: + g) + 1 = 0 tuong duong v6i phuong trinh nao dudi
day?
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(A)2cos?z — 3sinz + 1 = 0. (B) 2cos?z — 3cosz+1 = 0.
(C)2cos?z +3sinz +1=0. (D)2cos?a 4+ 3cosz + 1= 0.
Cdu 18. Phuong trinh ndo sau day 1a phuong trinh bac hai theo mot ham s6 luong giac?
(A)2cos? 2z — cos 2z = 0. (B) 2sin®z +sin2z — 1 =0,
(C)cot?z + cos 2z — 7 = 0. (D) tan? 5z + cotx — 5 = 0.
Cdu 19. Trong céc phuong trinh sau, phuong trinh nao c¢6 nghiém?
@\/gsinxzz (B) cos®z + cos?x + 3cosx — 5 = 0.
@%100841':%. (D) tan®z + tanz + 7 = 0.

Cdu 20. Trén khodng ( ) hai phuong trinh 4 cos? 2 —3 = 0 va 2sinz + 1 = 0 ¢6 nghiém chung

™
272
a

s ™ s s
@x:g' $:_g- @15:5- @9321

Cau 21. Phuong trinh 1 — 5sinz + 2 cos? x = 0 tuong duong v6i phuong trinh nao dudi day?

(A)2sinz + 5sinz — 3 = 0. (B) 2cos?x + 5cosz — 3 =0.

©4sinxcosx—|—5sinx—3=0. @sin2x+5sinx—3:0.
Cdu 22. Giai phuong trinh cos2x + 3sinz — 1 = 0.

@x:kQWkGZ. J::g—l—kQW,kGZ.

@x——k;eZ D)z =k, k € Z.

Cdu 23. Tim nghiém z € (0; g) clia phuong trinh ——— = 3tanz + V3.
cos? x

@V@nghiém. a::z. @x:E. @xz%

6
Cdu 24. Giai phuong trinh \/_tanx+cotx—\/§— 1=0.
@x—z-l—lmx—g—l-lmvclkeZ xz%—i—kmxz%-}-k‘gvéik‘ez
©xzz+k2w,x=g+k2maikez. @x=%+k3w,x=%+k3wvéikez

Cadu 25. Nghiém duong bé nhat ctia phuong trinh —2cos?z + 5sinz — 1 =0 1a
T 5% T 3

” p 1 1
Cdu 26. Ham s6 y = — + xac dinh khi va chi khi
sin2x  cos2x

@x¢%ﬂ,kez. B) z + kn, k € Z. @mé%”,kez. (D) z +# k2, k € Z.

-VAN DUNG

Cdu 27. Tim tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh tan®?z + 2tanz — 1 = m c6
nghiém.

(A) [-2; +00). (—2; +00). ©[-1;1]. D) (~1;1).

CdAu 28. Tim tap hgp céc gia tri thuc ctia tham s6 m dé phuong trinh sin®z + |sinz| = m ¢6
nghiém.

(A [-1;1). [0;2]. ©[0; 1. (D) [0; +00).

Cdu 29. Tim tap hgp cac gia tri thuc clia tham s m dé phuong trinh 2sin®z + cos?2z = m c6
nghiém.

(A)[0;1]. [0;3]. (©)[-1:1]. D) P:&]
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N . . . 4
Cadu 30. Tim gia tri 16n nhat M va gia tri nhé nhat m clia ham s6 y = —————.
A A A 1+ 2sin’x )
@m:—,M:4. m:—,M:3. @m:—,M:2. @m—— =
3 3 3 2’
Cadu 31. Giai phuong trinh tanz + tan <x+%> =1.
@x:kﬁ,x:amtani’)—i—kﬂ,kez xzk?w,x:arctan?)—i-k%r,kez
1
@xzkw,xz—arctaﬂ?a—kkw,kéZ. @x:kw,x:arctang—l—kﬂ,kez

Cadu 32. S6 nghiém thuoc khoang (—g; 7r) ctiia phuong trinh 2tanz — 2cotx —3 =0 la
(A)1. (B 2. (©)3. D) 4.

Cdu 33. Giai phuong trinh sin® 2z = cos? (:c - E).

4
k km
@:B:%—I—lm,m:z-l——ﬂkez. xz%-ﬁ-k%r,:n —E-I— 3 ke Z.
T km T km
=—+k = —— k€. =—+k = —— JkeZ.
@x 4+ T 12—1— 3 € @x 4+ T 12+ 3 €
Cdu 34. Giai phuong trinh 4 cos® z sin x — 4 sin® z cos x = sin? 4z.
- — k k
":II:J @x:kw,x:%Jrk%(kEZ). x:—f,x=g+§(k62).
km m  km km m  km
=—,r=—=4 — 7). =—,r=—=-+— 7).
O ©o=—o=-c+75 (ke De=—o=c+= (keD)
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Cadu 35. Phuong trinh cos 4z — 3 cos 2z = 4 cos? r ¢6 bao nhiéu nghiém thuoc doan [—; 7]?
(A) 2. ®) 3. (©)4. D) 5.

Cdu 36. S6 diém biéu dién nghiém ctia phuong trinh 2tan?z — 3cot?2 = 5 trén duong tron lugng
giac la
(A)1. ® 2. (©)s. D) 4.
Cau 37. Cho phuong trinh sin* z + sin* (1: + %) + sin’ (x - Z) =5 (x).
Néu dat ¢t = cos 2z, (t € [—1;1]) thi phuong trinh (x) trd thanh

(A)t(t —2) =0. (B) t(t+2) =0. ©2tt+2 = 5. (D)2t(t—2) =5

Cadu 38. Nghiém am l6n nhat ctia phuong trinh cosz + 2 cos? = 5 + 4Sin§ =4 1la

®e=-T ®r=-1" ©z=-2. OFES

Cadu 39. Tim nghiém duong nho nhat ciia phuong trinh

2
2 cos (2x+—7r) + 8 cos (z —x) -5
3 6 —0

COS T

11
®a-T ®a-l ©:-L D=1

Cdu 40. Toéng cac nghiém clia phuong trinh sinz = trén doan [0; 27| 1a

-1
0 5 2\/§cosx "
T T @ T
=, B —. 5. —.

8 8 8
Cdu 41. Céc diém biéu dién nghiém ctia phuong trinh sinz (4 cos?x — 1) = 1 trén dudng tron lugng
giac tao thanh cac dinh ctia mot hinh da giac. Da giac do6 la hinh gi trong cac hinh sau day?
@ Tam giac déu. Hinh vuong. @ Ngfi gidc déu. @ Luc giac déu.

e
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Cadu 42. Phuong trinh cos 3z — 4 cos 2x + 3 cos z — 4 = 0 ¢6 bao nhiéu nghiém thudc doan [0; 14]?
(A)1. ® 2. (©)3. (D) 4.

Cdu 43. Nghiém ctia phuong trinh 2 + cosz = 2 tang 1a

@ngwn,kez. x=g+k27r,kEZ.
@:L‘:ﬂ'—f-k’QW,k‘EZ. @JJZ%—I—I{:QW,]{?GZ.
Cdu 44. Cho phuong trinh 1 — 5sinx + 2cos? 2 = 0. Tim cac nghiém x théa man diéu kién cosz >
0.
)
@IZ%-{-ICQ?T,ICGZ. m:%—i—kQﬂ,kEZ.
@x:%-l—k‘%r,x:%-l-k%rvéik‘éz @x:%—i—lm,k‘EZ.
Cadu 45. Giai phuong trinh cos? 3z. cos 22 — cos? z = 0. (o))
k
@ng,kez. x:knr,k’GZ. @x:k‘ZW,kGZ. @m:%+k27r. g
4
>
= (]
-VAN DUNG CAO c
~ 7z 2 o
Cdu 46. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh |sinz + cos2z| = m ¢6 §)
nghiém? ‘O
(A)o. ®) 1. (©)3. D) 2. O
\
® Loi gidi. 8
Dt ¢t = sinz, ta c6 phuong trinh m = |2t — ¢ — 1. O
Xét ham s6 f(t) = |2t —t — 1| v6i t € [—1;1], dugc mién gid tri cia f(t) 1a [0;2]. —
Do d6, c6 3 gia tri nguyén ctia m dé phuong trinh c6 nghiém. L
Chon dap an o O
. . >
~ 2sin? r — -1
Cadu 47. Trong khoang (0; 207) phuong trinh S TS = 0 ¢6 bao nhiéu nghiém? o)
2cosx — \/3 O
(A) 30. 20. (©)10. (D) 15. 5
o «O
® Loi giai. 0
Diéu kien xéc dinh 2cosz — /3 # 0. 6
sinx =1 =
Khi d6, phuong trinh tuong duong véi 2sin’z —sine — 1 =0« | 1.
sinz = =

T ~ Z ., N > ~ N . n P . <
Phuong trinh sinz =1 < x = 5 + k2m. Dé thay cac gia tri nay thdéa man dieu kién xac dinh va trong

khoang (0;207) ho nay c6 10 nghiém.

1 T = % + k27 5
Phuong trinh sinz = 3 < | 5r . Dé thay cac gia tri x = — + k27 théa man diéu kién xac
5 + k27

dinh va trong khodng (0;207) ho nay c6 10 nghiém.

Vay trong khoang (0;207) phuong trinh c¢6 20 nghiém.

Chon dap an OJ
CdAu 48. Xét phuong trinh 5(1 + cosx) = 2 + sin*z — cos*z. Goi M, m lan lugt 13 nghiém 16n nhat
va nho nhat ctia phuong trinh trong khoang (0; 1007). Tinh tong M + m.

(A) 1007 1017. (C)99r. (D) 987.
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® Loi gidi.

cosxT = —2
Phuong trinh tuong duong véi 2 cos?z + 5cosx +2 =0 < 1.

cosT = —3

N 1 2

Phuong trinh cosz = —5 S x = :l:? + k2.
Trong khoang (0; 1007) gia tri nhé nhat va 16n nhat clia ho nghiem = = 2?% + k2w lan luot 1a 2% va
2967
3
Trong khoéng (0; 1007) gia tri nhd nhat va 16n nhat ctia ho nghiem x = —%T + k27 lan luot 1a 4% va
2987
3
Vay M + m = 100m.
Chon dap an @ OJ

Cdu 49. Xét phuong trinh 2sin®z + (m? — 1) sinz + 2m + 1 = 0 véi m 1a tham s6. C6 bao nhiéu gia
tri thuyc ctia tham s6 m dé diém biéu dién cac nghiém ctia phuong trinh da cho trén duong tron lugng
gidc 1a bon dinh ctia mot hinh chit nhat?
— (Ao B 1. (©)2. D) 3.
O
L ® Loi gidi.
O) Dit t = sinz, duge phuong trinh 2t + (m? — 1)t +2m+1=0 (1).
S (Céc diém bidu dién cac ho nghiém clia phuong trinh sinz = ¢ d6i xting nhau qua truc Oy.
Tt gia thiét, phai c6 hai diém bic¢u dién nghiém ciia phuong trinh déi xitng nhau qua gbc toa do, tit
d6 phuong trinh (1) phéi c6 hai nghiem d6i nhau, tit d6 c6 m?> —1=0< m = +1.
V6i m =1 thi (1) tré thanh 2¢* + 3 = 0. Phuong trinh nay vo nghiém.
V6i m = —1 thi (1) tré thanh 2¢> — 1 =0 & t = :I:i. Dé thay cac nghiém ciia phuong trinh thoa

V2

méan yéu cau dé bai.

Chon dap an O
Cdu 50. Xét phuong trinh cos? z + (a + b) cosx 4+ 2a — b = 0 véi a, b 1a tham s6. C6 bao nhiéu bo s6
thue (a, b) dé cac nghiém ctia phuong trinh da cho ¢ diém biéu dién trén dudng tron lugng giac la ba
dinh ctia mot tam giac déu?

(A)o. ®) 1. (©)2. (D) Vo sé.
® Loi gidi.
Dit t = cosz, ta duge phuong trinh t2 + (a +b)t +2a —b=0 (1).
Cac diém biéu dién cac ho nghiém ctia phuong trinh cosz = ¢ déi xing nhau qua truc Oz.

Gv Ths: Pha

. 1
T gid thiét, phuong trinh (1) phéai ¢6 mot nghiém ¢ = 1 va mot nghiém ¢ = —5 ho#c t = —1 va mot

1
nghiém ¢t = 7
1 1
a + b = —5 a + b = 5
Tt d6 ¢6 hai hé phuong trinh 1 va 1
%2 —b=—= |2a—b=-=
/ 2 2
Giai cac hé nay, duge 2 bo so (a, b).
Chon dap an @ 0
Cdu 51. Tim tat ci cac gia tri ctia tham s6 m dé phuong trinh cos2z — (2m — 1)cosz —m + 1 =0
¢6 ding hai nghiém x € [—g; g]

(A)—-1<m<0. B o<m<l. ©o<m<1. D) -1<m<1.
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2 .2 2
~ Z Z 2 - 2
Cdu 52. Tim tat cd cac gia tri cua tham so6 a dé phuong trinh a4 — = s rta co
1 —tan“x cos 2x
nghiém.
Aae (- U [1; 400). (B) a € (—o0;—1) U (1;+00).
@ae U [2; +00). @ae —1) U (1;+00) \{j:\/_}

Cdu 53. Xac dinh m dé phuong trinh m cos? 2z — 4sinx cosz + m — 2 = 0 ¢6 nghiém trong khoang

T
(:5)
4
®O<m<1. 1<m<4. ©m<—1. @Kh@ngcém.

Cdu 54. Cé tat ca bao nhieu gia tri nguyen ctia tham s6 m dé phuong trinh cos4x +6sinz cosx = m

¢6 hai nghiém phan biét trén doan [O; Z] ?

A1 B 2. (©3. D) 4.

CAu 55. Dinh tit ca cac gia tri thuc clia tham s6 m dé phuong trinh cos*z + (1 — cosz)* = m vo )
nghiém. g
1 1 !
@m<§hoacm>17. m<§. >
©m<0hoacm>2. @mg(). ‘2
CdAu 56. Tim tat ca cac gia tri cia tham s6 m dé phuong trinh (m? — 3)sin 3z —cos?3r+m?-3=0 O
. as . ~ 21 A | )
c6 ding 4 nghiém thudc doan |—; —|.
3 31 O
@m:—Q. m:2. @mz:l:2. @Kh@ngcém. O
. . T\ ] T 5 R ‘O
Cdu 57. Phuong trinh cos [2 (x + §) + 4 cos (E — :c) =5 nghiém la n)
) 3
@x:—%—l—kQW,x:g—{—kQﬂV&keZ. x:%+k2ﬂ,x:§+k2ﬂw’ﬁkez O
5 \ —
@xz—%—i—ka,xz%—i—kavc’iikGZ. @x:g+k2n,x=%+k%v@ikez. 6
N 3+ 2si —(2 2 \
Cadu 58. Phuong trinh (8 +2sinz) CO,SZ (2+ cos™) =1 ¢6 bao nhiéu nghiém trén [0; 47]? \z
sin 2z
(A)o. ® 1. (©)2. D) 3. @)
~ Z Z ? 1 :
Cadau 59. Tim tat ca cac gia tri clia tham s6 m dé phuong trinh sin® z+cos?* —cos 2:1:—1—1 sin?2r4+m =0 O
c6 nghiém. n)
(A)m < —2. (B) m > 0. (©-2<m<o. (D) -2 <m <0. o)
2

Cadu 60. Cho phuong trinh v/5sinz + cos2z + 2cosx = 0. Tim ménh dé ding trong cac ménh dé
sau -

@ Phuong trinh ¢6 nghiém trén khoang (0; 5)

Phuong trinh vo nghiém trén khoéng (7;27).

@Moi nghiém zy clia phuong trinh déu théa man sin 3z¢ = 1.

@ Mot ho nghiém ctia phuong trinh 1a z = % + k27, k € Z.

( BANG PAP AN

1. DJl2. AJ[3 DJ|4 Cl5. Ccll6e. D|l7. C]ls. C]lo. C |[10. B
11. A J[12. B |[13. D |[14. B |[15. A ][16. D |[17. D |[18. A |[19. B |[20. B
121. A |[22. D ||23. B |[24. A |[25. C ||26. C |[27. A |[28. B [[29. D |[30. A
131. A |[32. C||33. B |[34. B ||35. C |[36. D |[37. B ||38. A |[39. D |[40. C
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41. A ||42. D ||43. B [|44. B ||45. A ||46. C ||47. B ||48. A [|49. B ||50. C
51. B [[52. D ||53. B [|54. A ||55. A |[|56. C ||57. A ||58. A ||59. C ||60. C

Gv Ths: Pham Hung Hai
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Bi17. PHUONG TRINH LUGNG GIAC BAC NHAT POI
VOISIN X, COS X

_NHAN BIET - THONG HIEU

Cdu 1. Cho phuong trinh asinz + cosz = b. Tim tat ca cac gia tri thuc ctia a, b dé phuong trinh cé
nghiém.

@b2—a2§1. b2—a2<1. ©b2+a2§1. @b2+a221.

Cdu 2. Tim tat ca cac gia tri thuc clia tham s6 m dé phuong trinh mcosx + sinz = 1 — m c6

nghiém.
@mgo. m<0. ©m20. @m<1.
Cau 3. Tim tit ca cac gia tri thyc ciia tham s6 m dé phuong trinh msin 2z 4 (m — 1) cos 2z = v/2m CC»
vo nghiém. o)
1 1 1 >
< —. —. > —. .
@m_2 m>2 @m_2 @m<1 a
CdAu 4. Mot nghiém ctia phuong trinh /3 cosx 4 sinz = —2 1a S
om s m 27
Céu 5. S6 nghiem ciia phuong trinh 2sin 3z + v3cos 3z = 5 1a ‘O
(A)2. ® 1. (©o. (D) vo sb. O
\
Cdu 6. Diéu kien ton tai nghiem ctia phuong trinh (a + 2)sinz + (b + 2)cosz = a + b, véi a,b € R 8
la
b
@a2+b222abvé(a+2)2+(b+2)27é0. a—l—b2%—2V€L(&+2)2+(b—|—2)27ﬁ0. 09
(©a+b<ab. D) (a+2)2+(b+2)?2>1. 6
CAau 7. Giai phuong trinh sin (z 4 32°) + v/3 cos (z + 32°) = 1. -
Az = —62° + k2m, 2 = 58° + k2 (k € Z). (B) x = —62° + k360°, & = 58° + k360° (k € Z). O
(C)x = 60° + k360°, 2 = —58° + k360° (k € Z). (D) x = —62° + k180°,x = 78° + k180° (k € Z). (D
Cdéu 8. Tim tap nghiém clia phuong trinh sinz + v/3cosz = —2. <g
@S:Q. OFEE {——+k27r‘kEZ} ("]
©)s= { +k2r |k € Z}. DS = {——+k7r|k€Z} 2

Cdu 9. Giai phlrdng trinh sin 3x — cos3x = —1.

2 s s 2m s 2w
T Y T n Yis

Cau 10. Tim tap nghiém ctia phuong trinh sin 22 + 2 cos?z = 2.

WS =2. B S = {——+k2w\kez}
(©)Ss= {+k2w|kez} D) S = {——+k7r|k;€Z}

Cadu 11. Phuong trinh cos 2z + sin 2z = 1 tuong duong v6i phuong trinh nao sau day?

@sin <2x+%) ZQ. cos(2x+%) zﬁ.

2 2

@sin(Zm—l—%):l. @cos(m——)zl.
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Cdu 12. Giai phuong trinh v/3cosz + sinz = —2.

@ xz%+k‘7r(k:€Z).
x:%—i-k%r(k’EZ).

©x=—%+lm(/€eZ). @x:—%+k2w(k62).

Cadu 13. Phuong trinh v/3sin 3z + cos 3z = —1 tuong duong véi phuong trinh nao sau day?
T T
sin (3x + —) = ——.

e m 1 6 6
Sln(x—g)——é.

1 1
@sin (3x+%> =3 @sin (33:4—%) =35
Cdu 14. Phuong trinh nao trong cac phuong trinh sau vo nghiém?

@3sinx+4cos:v:5. sinx+2008m:3.
@—128inx—|—5cos:v:—13. @\/gsina:—l—Qcosx:&

Cdu 15. Héiz = g la nghiém ctia phuong trinh nao trong cac phuong trinh sau?
@sinx—l—\/gcosx:l. sin3a:—\/§cos3x:2sin2x.
@sinx—cosx:\/i. @sinx(l—sina:):cosx(l—cosx).

Cadu 16. Tim diéu kién c6 nghiém ciia phuong trinh asinz + bcosx = ¢, v6i a, b, ¢ 1a cac s6 thuyc va

a’ + b # 0.

(A) a2 + b < 2. B a2 +p* = ©a2+1* < (D) a? + b2 > ¢

Cdu 17. Giai phuong trinh sinx — cosx = 0.

@x:%-l-kw(kGZ). xz—%-l—knr(k:GZ).
@::::%T(/er). @ngwzw(/ﬁez).

Cdu 18. Tim tat ci cac gia tri thyc ctia tham s6 m dé z = % 14 nghiém ctia phuong trinh sinz +
mcosT = \/5
@m:—l. m:2. @mzl. @m:—Q.

Cau 19. Xét cac phuong trinh sau (m 1a tham s6 thyce) (I) sinz + cosz = 2, (II) (m — 1) cosx +
msinz = mv/2, (II1) 2cosx — v/3sinz = 7, (IV) msinz + cosx = m. Trong cac phuong trinh trén,
phuong trinh nao luon c¢6 nghiém?

A (). (I). (© (). D) (1v).
Cdu 20. Tim tap nghiem S ciia phuong trinh cosz 4+ v/3sinz = —1.
@A) S = {—w+k27r,g-|-k:27r,k: e Z}. S = {—w+k27r,—g+k27r,k; c Z}.

©)s = {7r+k27r,—%+k27r,k:EZ}. D) S = {ﬂ+k27r,g-l—k27r,kez}.

Gv Ths: Pham Hung Hai

Cdu 21. Phuong trinh sin 2z + cos 2z = v/2 tuong duong véi phuong trinh nao sau day?

. ™ V2 ™ V2
@Sm<2x+z> :72. cos (2x—z)=72.

@cos <2x—z) =1. @sin <2x—z> =1.
4 4
Cdu 22. Tim diéu kien déi vé6i cac s6 thuc a, b, ¢ dé phuong trinh asin 2z+b cos 2o = ¢ ¢6 nghiem.
(A)a?+1?> 2 B a2+ < ©a2+1*>c Da+b<ec
Cdu 23. Tim tat ca cac gia tri thuc ctia tham s6 m dé z = T la mot nghiém clia phuong trinh

2
2sin 2x — \/§COSZx =m.

@m:(). B)m=2. @m:2—\/§, @m:\/g.
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Cdéu 24. Tim tap nghiém S ciia phuong trinh sinz — cosz = /2.

@A) S = {+k27rkeZ} ® S = { +k27rkeZ}
©)s = {—+k7rkeZ} DS = { +kr ke 2}

Cdu 25. Tim tat ca cac gia tri thuc ctia tham s6 m dé = 7 ld mot nghiem ctia phuong trinh

m cos 3z + sin 3z = m?2.

€ (~1;0). (B) m e {~1;0}. ©m<—1. (D) m > 0.
-VAN DUNG

Cdéu 26. Giai phuong trinh v/3sinz — cosz = 2.

©2-= R\{ keZ} D) 2 = R\{?’7T

Cau 30. Giai phIIOng trinh sin 72 — cos 2z = /3 (sin 22 — cos 7).

i)

2
@x=§+k2ﬂvéikez. x=;§+k2m6mez. o
©x=§+k27rv@1kez. @ngJrlmvéikEZ. B
Cdau 27. Tim tap nghiem S ciia phuong trinh 3cosz + v/3sinz = 1. 3
s 1 1
Sz{—:tarccos—+k27rk€Z}. S = { :i:arccos—+k27rkEZ} C
® 6 2v/3 | 2v/3 | o)
1 1
@S { :tarccos—+k27r|k€Z} @S { :i:arccos—+k27r‘k€Z} O
\/g \/g \o
Cdu 28. Giai phuong trinh sin 2z 4+ v/3 cos 2z = 1. (@)
o T » _ ‘O
@x— 4+k7r,x—6+k7rvdlkr€Z. B z= 12—|—ka 4—|—k7rv01k‘EZ Q
i s N B _Ar N
@x—ﬁ—l-kw,x——z—l-lmvdlkzez. @Jf—k‘ﬂ',x— 3 + kmw véi k € Z. °\O
Cadu 29. Tap xac dinh ctia ham s6 y = SnFa incisx5x+1 1a 6
2 2 2
@.@:R\ klkez. @:R\{—iwﬂrﬁ kikez} >
575 5 O
O
-
«O
. 27r T 2m s 27T &
_ " kT ke i R SRR 7. o=
@x 2 5 X 18+k29 véi k € :L‘ +k 9 18+/€ " v6ik e 5
T T T
-3 k —— +k— véi k € Z. =~ T =35 kK véi k € 7. <
@x + 5 18+ 9 VOl k € @x + TR 36+ 3 Vol k €

Céu 31. Giai phuong trinh sin 3z — v/3 cos 3z = 2sin 2.

ir | 2n i 2
@x:—g+k2ﬂx—4—1—§+kgvdlkez x:g+k2wx:41—g+k§véikez.
@x——+k5 =—5—|—k27rvdlk€Z @x—fw{; =—5+k7TV01kEZ

Cau 32. S6 nghiem ctia phuong trinh sinz + v/3 cos z = 1 thuoc doan [0; 7] 1a
(A)2. 0. (©)3. D) 1.

Cdu 33. S6 nghiem ctia phuong trinh v/3cosx — cos2z + sinz = +/3sin 2z thuoc khoang (—m;7)
A)2. ®) 1. (©)s. (D) 4.

Cdu 34. S6 nghiem clia phuong trinh sin 5z + cos 5z = v/2 thuoc khoang (—g; 7r> 1a

(A)1. ® 2. (©)3. (D) 4.

B Th.S Pham Hiing Hai - @ 0905.958.921 m
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O
T

(@)}
C
Y|
XL
-
O-
L
o
»n
L
-
>
0)

y J/ J J

Cdu 35. S6 nghiem ctia phuong trinh 3sin 3z — v/3 cos 9z = 1+ 4 sin® 3z thuoc khoang (O; g) 1a
(A) 4. 6. (©)s. D) 5.

2
Cdu 36. Phuong trinh (sin g + cos E) ++v/3 cosz = 2 ¢6 2 ho nghiem duge viét dudi dang z = a+k2m

2
vaz = B+ k27, v6i a, B € [—g; g], k € Z. Khi do6, gia tri o + 3% bang bao nhiéu?
52 @ T2 52 @ 1172
18 ° 18 ° 9 36

theo cac bude nhu sau:

Cadu 37. Mot hoc sinh giai phuong trinh sinx + cosz =
COS T

2r=1.

Buée 1: sinx + cosz = &< sinx cosx + cos

cos T
Budc 2: sinxcosz +cos?x = 1 < 2sinzcosx + 2cos’>x — 1 = 1 < sin 22 + cos 2x = 1.

2
Buée 3: sin2x + cos2x = 1 < cos <2£C + %) = g

Héi cac phép bién doi trén sai & cac bude nao?

(A) Buéc 1 va 3. Budc 2 va 3. (C)Budc 1 va 2. (D) C& ba budc.
Cdu 38. Cho phuong trinh cos 2z + v/3sin2z = v/3. Téng binh phuong 3 nghiém duong nhé nhét
clia phuong trinh da cho bang bao nhiéu?

10772 256> 17972 2
OpULE ™ o ®.

48 144

Cdu 39. Cho phuong trinh v/3 cos 5z — 2sin 3z cos 22 — sin2 = 0. Tap nghiém ciia phuong trinh trén
c6 tat ca bao nhiéu diém biéu dién tren duong tron lugng gidc thuoc géc phan tu thit nhat?

(A) 1. B 2. (©)s. D) 5.
Cadu 40. Cho phuong trinh (m + 1) sin 2z + (m — 2) cos 2z = 3. Tim tat ca cac gid tri thyc ctia tham
s6 m dé phuong trinh da cho c¢6 nghiem.

Am<—-1vm>2 (B -1<m<2 ©m<-2vm>1 [Dm>2

Cdu 41. Nghiem am 16n nhat cta phuong trinh sin3z = sinz + v/3cosz thudc khodng nao sau
day?

Aol w(E) e(a) el

Cdu 42. Cho phuong trinh <\/§—|— 1) cos 2x + (\/3 — 1) sin2z + /3 — 1 = 0. Biing cach diit sina =
V3+1
2v/2
. . ™ . ™

@Sln(2x—a):sm(——a>. s1n(2x—|-a):cos<__a>,

2 2
@sin(2x—|—a):sin<a—g>. @cos(Qx—a):cos(a—g).

Cadu 43. Phuong trinh nao dudi day vo nghiém?

5
@Cos3x+\/§sin3x:2. cost—\/gsin2$:—§.
@COSQZ:%. @3sin(x+%)—4008(3:4—%)—1—5:0.

Cdu 44. Tap nghiém cia phuong trinh /3 sin 2z + sin (g + 2x> =1 c6 tét ca bao nhieu diém biéu

, VoI a0 € (—g; g), phuong trinh da cho tuong duong véi phuong trinh nao sau day?

dién phan biét trén duong tron lugng giac?
A) 3. (B) 4. (©)2. D) 1.
Cadu 45. Tim gia tri 16n nhat y,., clia ham s6 y = —3sinx + 4 cos z.

@ Ymax = d. Ymax = 4. @ Ymax — 3. @ Ymax = 7.
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Cdéu 46. Giai phuong trinh sin 2z + cos 2z = v/2sin 3z.

@ x———+k27rx 5—7T+k27r(k€Z).

k2 T ko (ke Z 2 "
_ﬂ+ T, X 5ﬂ+ m(ke€Z). i
@x——+k7rx ﬂ—i-lmr(k;eZ). @x———i—lmx 1—72T+k7r(k’€Z).
CAu 47. Giai phuong trinh cos 5z — sin 3z = /3 (cos 3z — sin 5:5)
=——+k — +krn (keZ).
@ . - s OF 12—|—7r:v 16+ T (keZ)
_E+ T, x = g—{— kﬂ( ). 5 )
s T T T
@x————i-knr =ty ke @:L‘——-I-knr r=5+ - (kel)
Cdu 48. Tim tit ci cac gia tri thuc ctia tham sé m dé phuong trinh cosz + 2v/2sinz = m — 1 ¢6
nghiém. 0))
@m>4. m§—2hoacm24. C
C©-2<m<4 D)m < -2. 'g
" . o T2 n]
Cadu 49. Giai phuong trinh (sm§+cos 5) +V3cosx = 2. pa
@ x:g—I—kQﬂ,x:—%-l—k‘ZW(k‘EZ). O
x:g+k27r,x=g+k7r(k62). g
\
) )
©$:g+kﬂ,x:g+k2ﬂ'(k'€Z). @mz%—i—kw,x:—%—kaW(kEZ). O
‘O
Cdu 50. Giai phuong trinh v/3 cos 5z — 2sin 3z. cos 2z — sinz = 0. QR
A Baoe-t M e Tk (ke o)
r= o k2 Zkr (ke e i =
: 12 T l: | k k 6
T 77 7r T T T
-k =21 ke, T T T ken.
©o=—gtime=5+3 keD) Du=-—ptge=gty kel >
Cdu 51. Giai phuong trinh tanx—Bcotx:4<sinz+\/gcosx). 8
@x:%+k27r(k€Z). x:—g+k27r(k6Z). 2
@x:nglm(k;eZ). @xz—nglm(keZ). g
Cdu 52. Cho phuong trinh v/3sin 5z +cos 5z = v/2. Goi S 1a tap hop tét ca cac nghiem thuoc khoang 6
27T 77T o N ~ ~ L P ? ? ~
g; = cua phuong trinh trén. Tinh so0 phan ti cua tap hop S. =z

A 4. ®) 6. ©s. Ds.

CdAu 53. Tim tap gia tri T ctia ham s6 y = 4 cos 2z — 3sin 2z + 6.

(A)T = [3:10]. (B) T = [6:10]. (©T=]-1;13). (D) T = [1:11].
Céu 54. Tim nghiém am 16n nhét cta phuong trinh sinz — cosz = v/2.
T 137 T 117
T T o7 e
Cdu 55. Tim nghiém duong nhd nhéit ctia phuong trinh v/3sin 2z + cos 2z = 2.
Ak Dk or o
3 2 6 3
Cdu 56. Tim tap hop tat ca céac gia tri thuc clia tham s6 m dé phuong trinh sin z + v/3 cosz = m ¢6
nghiém.
B [-v2 V2. [~1;1]. © [-v3v3]. @[22

o
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Cdau 57. Tim tap nghiem S clia phuong trinh /3 (sin 2z + cos 7x) = sin 7z — cos 2z.
T kK2r Tm k27 } {7‘(‘ kK2 Tm  kw }
—y_ L et 7 — L et Z
@s {10+5’54+9]‘C ®s MY RLe
Y kr Tm  km } {7‘(‘ kK2r Tm K27 }
@S—{l—O—F?,a—F?,kEZ. @S 5,54—|— 9 k 7

Cdu 58. Tim tat ca cac gia tri thuc clia tham s6 m dé phuong trinh msin 2z + (m — 1) cos 2x = 1 vo
nghiém.

(A)m =0. (B)m < 0. (©0o<m<1. D)m > 1.

Cdu 59. Ki hieu 1, x5 1an lugt 1a nghiem 16n nhat va nhé nhit ctia phuong trinh sin 5z — /3 cos 5z =
2sin 3z trén doan [0;7]. Tinh tong T = z; + xa.

@T_137r T:111—27T. @T_157r @T_177r

Cdau 60. Tinh tong tat ca cic nghiem thuoc khoang (—m; ) ciia phuong trinh sinz + v/3cosz —
2sin 2z = 0.

2m T s
@? B) . ©§' @_g'

Cdu 61. Ho nghiém cta phuong trinh sin 2z — 3 cos 2z = 3 1a

T k2 Tk
r=— 7 x=—+kr
2 ,(k €Z), voi tana = 3. 2 ,(k € Z), véi tana = 3.
r=a+k2r r=a+ k2w
r=_—+km
@xzz—l—kw,(kEZ). D) 2 ,(k € Z), v6i tan a = 3.
2 x:oz+k7r

Cdu 62 Ho nghiém ctia phuong trinh v/3sinz + cosz = /3 1a

Gv Ths: Pham Hung Hai

s b
== +k2m (2= — 4+ kn
@ 2 ,voi k € Z. 2 ,voi k € Z.
r=—+k2r r=—+ k27
- 6 o
x:§+k27r $:§+k7r
© 2 Vo k € Z. D) 2 viikeZ
r=—+km r=—+km
L 6 L 6
Cau 63. S6 ho nghiem ciia phuong trinh 2v/2(sinz + cos x) cos z = 3 + cos 2z 1a
@ khong c6. ¢6 1 ho nghiém. @ ¢6 2 ho nghiém. @ ¢6 3 ho nghiém.

2sin? 3z + 4sin 3z cos 3z + 1
sin 6x + 4 cos 6 + 10

Cadu 64. Tim gia tri 16n nhat, gia tri nho nhat ctia ham s6 y =

, 11— 97 11497 22 — 97 22+9\/‘
@mmy:T;maxy:T. mmy— I maxy = ——
©) min 33 — 97 i 33+ 97 ) miny = 22 — 9\/‘ e 22+9f
= ————;maxy = ———. X
Y g3y 83 B T
Cdu 65. Cho phuong trinh sin z(sinz + 2 cosz) = 2. Trong céc khang dinh sau day, khang dinh nao
ding?
@ Phuong trinh c6 dung 1 nghiém. Phuong trinh vo6 nghiém.
@ Phuong trinh c¢6 dang 4 nghiém. @ Phuong trinh ¢6 dung 2 ho nghiém.
Cau 66. Ho nghiem ciia phuong trinh (1 4+ v/3)sinz + (1 — v/3) cosz = 2 1a
om om
r=——+4KkK27m r=—+ k2w
(A 6 ,(keZ). 6 (k€ 7).
x:§+k27r x:§+k27r

e
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x=5—ﬁ—|—k7r a::5—7r+k27r
©f 5 kew D S (k€ ).
r = +km r=—+kr
L 3 L 3
Cau 67 Giai phuong trinh cos 7z — sin 5z = v/3(cos 5z — sin 7x).
T - T
r=-—+km x=-—+k2m
12 12
0y T ke T, k€ Z.
L 24 6 - 24 6
v= -+ kr r=—+ k27
12 6
@ —W-|-k:7r’k€Z' @ _E_H{E,k:ez.
YT 20 T N I
Cau 68 Giai phu’dng trinh \/3(sin 22 + cos 7z) = sin 72 — cos 2.
r=—T 1T o= T k5T
0" 10 5 (@)
(A) T kel _Tn kel 2
L5 9 " 5473 D
_x T /{}— -aj—l—}-k‘Q—ﬂ- b
© %2 S ke D) %0 > kel -
PT R RV Q
Cdu 69. Giai phuong tr1nh4(sm x + cos? x)—i—\/gsmélx—Q O
(0= = 4 ke (v = 4kl ‘O
(A) 47T 77T,k:eZ. 47T > ke O
r=——+4+k= r=—— 4+ k= 0O
. 12 7 - 125 (A
r=—+k= rT=—+k=
(© _47T 3k7r,keZ. (D) 4 2k7r,keZ‘ °9
R TR T TR T 5
~ ., 14+cosx+cos2x+cosdxr 2
Cau 7(_). Giai phuong trinh R —— :5(3—\/_smx> -
r=—+k2m ‘0
(A) 3 kel B) z = k2m, k € Z. O
r = k27 - |
] O
T s ¢
r = -+ k3m r=—+km
© 3 ke D) 3 ke A
|z = k3m x =k3m 6
P

. . 9
Cdu 71. Giai phuong trinh cosT —2sinrcosr — 3.
2cos?x +sinx — 1

:v—5—7r+k27r

@x:5—7r+k27r,kez. 6 ke
6 x:§+k27r

@:c:—%”mzmkez. @x=g+k2w,kez.
Cdu 72. Gidi phu0ng trinh: 381n31:—\/§(30599::1+4sin3 3.

T T 7
xr = k;— r=—+k=

@) %?T J kel s k?T,k:eZ.
"~ 51 ’“?2 :“5—4*25
s T T
r=— k— rT=—+k—
18 9 54 9

@ _7_7T+ o k€ Z. @ $_7_7T+ Q_W,keZ.
549 " 54 9
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7. Phuong trinh lugng gidc bac nhét ddi véi sin z, cos z Gido Vién Pham Hing Héi Chuyén Toén 10 - 11 - 12 & LTBH

y J/ J J

o 27 6
Cdu 73. Tim cac nghiém z € (%, ;) ctia phuong trinh cos 7o — v/3sin Tz = —v/2.
351 H3m H9mw 30m H3T
®ee {55 ) ®re{Sa )

84 84 ) 847 84 )"

Cdu 74. Giai phuong trinh 3sin (a: — g) + 4sin (m + %) + 5sin (5x + W) =0.

6
i 97T+O./+ m [ I7  « m
r = — — — r=—— — —
24 4 2 24 4 2
(A 24 42 pez 442 pez
r=———= — rT=——= -
" T3 6 3 " 736 6 '3
97r+a+k7r 97T+04+k7r
xr = — —_ —_ €r = — J— J—
24 4 2 6 4 2
© W—l_a—l_kﬂ,kez. D) 6 4 2 ez
xr= — —_ —_ rT = — — — J—
L 36 6 3 L 36 6 3
~ . i 1 P .
Cau 75. Cho ham s6 y = W;Sj_n—$+ Tim tat ca cac gia tri m dé miny < —1.
Cos
(A) |m]| > 2v/2. m > 2v/2. (©)m < —22. (D) |m| > 2V/2.
“6 Cdu 76. Ho nghiém ctia phuong trinh v/3sin 2z — 2 cos® z = 2v/2 + 2 cos 2z 1a
- . x:—%—l—k%r
O Az=--+kr kel - ke
c 3 x=—+kor
= B 27 2
CE,_ @xz—g+k2w,kez. @ngwc%,kez.
L 0
o, $=§+k2ﬂ'
2 Cau 77. Ho nghiém ctia phuong trinh sinz + v3cosz + V/sinz + v3cosz = 2 1a
- [ 7T-|-k;7r -x—ﬂ+k27r
Tr = — fr—
5 A) 2 kel 277T kel
x=——+km r=——+k2m
L 6 L 6
x:z-l—k‘27r xzz+k27r
@ 271- ke Z. @ 7%, ke,

-VAN DUNG CAO

Cadu 78. Goi z; 1a nghiém khong am nhé nhat, x5 1a nghiém am 16n nhat ctia phuong trinh tanz —
> = 0. Khi d6 tong S = x1 + x5 bing
cos T

w3 ® 1. ©o. © 7

sin 2x — cos 2x + 2 (ZCOSQS —

~ . . 3 1
Cadu 79. Tong tat ca cac nghiém thuoc (O; z) ctia phuong trinh 8sinx = V3 +—1la
3 - 2 - cosx 7Tsm T
5 5 i 0

~ P 1
Cadu 80. S6 nghiem ctia phuong trinh 1 + sin® 22 4 cos® 2z = 3 sin 4x thuoc khoang (—g; 7r> 1a

(A)1. B 2. (©)4. D) 3.
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~ Z ., . 2 £ 2 ~ . ™ m ~
Cau 81. Tim tét ca cac gia tri ciia tham s6 m dé phuong trinh cos*z + sin? (x—{— Z> =5

nghiém.
(A)m e [3-2v23+2V2). B me (3-2v23+2v2).
@me(—oo;S—Z\/ﬂ. @m€[3+2\/§;+oo).

Cdu 82. Sb nghiem ctia phuong trinh 4 sin® z cos 3z + 4 cos® 2 sin 3z + 3v/3 cos 4z = 3 thuoc khoang
(0;m) 1a

(A)2. B 4. ©1 D) 3.
Cadu 83. Cho phuong trinh 2 cos? (% - 2:1:) + V3 cosdr = 4cos® x — 1. Hoi tap nghiem ctia phuong
trinh da cho c6 tat cd bao nhiéu diém biéu dién phan biét trén dudng tron luong giac?

(A)2. 6. (©)s. D) 5.
Cdu 84. Cho phuong trinh 3 sin (m — g) + 45sin (x + %) + 5sin (593 + g) = 0. Cac diém bicu dién

nghiém ctia phuong trinh da cho tao thanh mot da giac c6 bao nhiéu canh?

A)s. ®) 4. ©n. D)s.

CaAu 85. Cho phuong trinh sin (z + a) — v/3cos (z +a) = cosx — V/3sinz, véi a € (0;7) c6 mot

ong

~

) 3™ 9
nghiém duge viet dudi dang . = 8+ km, f € (Zﬁ, %), v6i k € Z. Khi do, gia tri ctia 32 1a
1 1 1 1
B+ ). 15 (57 — 202, ©) 15 =200 D) Ser - a2

C@u 86. Cho phuong trinh cos 2z — v/3sin 2z — v/3sinz — cosz = 0. C6 tit ca bao nhiéu ho nghiém
ctia phuong trinh trén duge viét dudi dang o + k27, véi o € (0;27) va k € Z.

o ® 1. ©2. D) 3.

O b6 C6 Con bu

~ 1 . [

Cadu 87. Cho phuong trinh 4sinx + 3cosx + — = m v6i m 1a tham s6 thyc. Tim

4smx—|—3cosx7;k1 L

tat ca cac gia tri cia m dé phuong trinh c6 nghiém thudc (O; 5) O

31 13 31 >
@me(l;—). me(—;—). ©m€(1;3). @me(—l;l).

6 476 ‘0

Cadu 88. Cho phuong trinh (m? + 2) cos® x — 2msin 2x + 1 = 0. Tim tat ca cac gid tri thyc ctia tham O

s6 m dé phuong trinh trén c6 nghieém. ‘g
1 1 1 1

(A)-1<m<1. B) |m| > 1. ©_§5m5§' ©-j<m<; Q

~ P P . 2sin 2 2
Cdu 89. Tim gia tri 16n nhat M, gia tri nhoé nhat m ctia ham s6 y = S 2@ COS 2T P

sin 2x — cos 2z + 3

@M:g,m:—l. le,m:—l. @M:Lm:—g @M:g,m:%.

7
) 2 2 ) ,
Cau 90. Cho hai s6 x, y thoa man §+Z = 1. Tim gia tri 16n nhat P,,,, cua biéu thic P = z+2y.

(A) Prax = 5. Prax = 7. (C) Poax = 9. (D) Prae = 4.

Cdu 91. Cho phuong trinh sinx +m cosz = 1. Tim tat ca cac gia tri thic clia tham s6 m dé phuong
trinh trén c¢6 ding hai nghiém trén doan [0; 7.

@—1§m<1. ggmglvam#o.
(©)-1<m<0hoic0<m< L Do<m<1.

msinx +cosx + 1

CAau 92. Tim tét ca cac gia tri thuc ctia tham sé m dé ham sé y = — c6 gia tri nho
Cos T

nhat Ymin 520 cho Ymin < 1.
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@mGR

Cdu 93. Trong tat cd cac nghiém ciia phuong trinh sinz — v3cosz = /2, goi z1, 2 lan ludt 1
Z . 2 £ I3 ) aT 2, < P £ ~
nghiém am 16n nhat va nghiém duong nho nhat. Biet rang z1 + 3z = —, v6i a, b 1a cac sO0 nguyén

(B) m #£0.

(©mel-1:1]

duong va % 1 phan s6 téi gian. Tinh tong T = 2a + b.

(B) T = 16.

(A)T =5.

CdAu 94. Ki hieu M, m lan lugt 1 gia tri 16n nhat va gia tri nhé nhat clia ham s6 y =

doan [0;7]. Tinh tong T = M + m.

(B) T =3

nhan gia tri nguyén. Tinh s6 phan tit clia tap hop S.

B 2.

- -

,g nghiém thudoc doan [

Gv Ths: Pham H

e

(AT =0.

Cau 95. Goi S latap hop tat ca cac gia tri ciia x thude doan [—g; 277} sao cho biéu thic P =

(A) 1.

(A)o.

O) Cdu 97. Tim tat ci cac gia tri thic ciia tham s6 m dé phuong trinh 2sinz +mcosz = 1 —m c6

@—3§m§1.

c6 nghiém x € [

m™ T

)

@—1<m<3.

7r'27r

2" 3

|

@—%gmgo.

Cau 100. Tim tat ca cac gia tri m dé phuong trinh msinz + (m + 1) cosz + 1 = 0 ¢6 hai nghiem

B 1.

7T‘7T:|
2721

(B) —2<m <6.

_ CAu 98. Tim tat ca cac gid tri m dé phuong trinh

|

©

©

T =1T7.

2
3

T =

(©)s.

Cau 96. Goi S la tap hgp céc diém biéu dién cac nghiém ctia phuong trinh 3sinz + 4 cosz = 4 trén
O duong tron lugng giac. Tinh s6 phan tit ctia tap hop S.

(©)2.

©

1<m <3.

2sinx +mcosx=1—m

m§3.

mZ—%.

(©-1<m<3.

Cdu 99. Tim tat ca cac gia tri m dé phuong trinh (m + 2)sinz — 2mcosz = 2(m + 1) c¢6 nghieém

©

m < 0.

x1, 22 € [0; 27| v hai nghiém nay cach nhau mot khoang T

A m

2

<3m<;

 -1+43

B m

Cadu 101. Tim tat ca cac gia tri m de

2

_Z1-v3

©m

. mcosz+m—1

mgg.

3+sinz + cosx

©

2

< 1 dang véi Vx € R.

7
m= -.
3

( BANG PAP AN

b

—1++3

(D) T = 15.

3sinx

coszx + 2

DT=1

D) 4.

D) 3.

(D) -1<m<3.

@mz—l.

@—§<m<0.

@m##.

<jm<_;

1. A2 cl[3 B4 Al c]l6e. B]l7. B|[s. B|9. D|[10. B
11. A Jl12. D |[13. C |[14. B ||15. B |[16. D |[17. A |[18. C |[19. D |[20. C
21. C ||22. A ]|23. D |[24. B |[25. B ||26. C |[27. A |[28. B ||29. B |[30. A

56/97 '

|

trén

sinx + 1
24 cosx

y J/ J J

V2 V2
@mE [—7;7

e
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31. B [|32. D [|33. C ||34. D [[35. A [|36. A ||37. A [|38. C [|39. B ||40. A
41. D [|42. C ||43. B |[|44. B ||45. A ||46. C ||47. D ||48. C [{49. B ||50. D
51. D ||52. B [|53. D ||54. A ||55. C [|56. D ||57. D [|58. C ||59. A ||60. B
61. D ||62. A [[63. A |[64. D ||65. B ||66. B ||67. A |[68. D |[69. D ||70. B
71 A ||72. A ||73. A ||74. A ||75. A [|76. D ||77. C [|78. C ||79. C [|80. D
81. A ||82. B [|83. C ||84. C [|8. B ||8. C [|87. B ||88. B [|8. A [|90. A
91. C [|92. A [|93. B ||94. B [|95. D [|96. C ||97. D [|98. C [|99. A ||100. A
101. A
(@)
C
o)
>
n)
c
O
@)
‘O
®)
‘O
n)
O
[ \p—
L
O
>
‘O
O
- )
O
n)
(0]
Z

o
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y J/ J J
Bir8. PHUONG TRINH LUGNG GIAC PONG BAC

(DANG CAP, THUAN NHAT) POI VOI
SIN X, COS X

—NHAN BIET - THONG HIEU

Cadu 1. Tat ca nghiém clia phuong trinh 2sin®z — 3sinx cosz + cos?z = 0 1a

i - T
:C:Z—i_kﬂ' .’E:Z—Fkﬂ'
(A 1 (keZ). 2 (k € 7).
r = arctan (—) + k7 r=—+km
2 L 2
_$_E+k’7r
o= +kr (ke). D) 2 (k € Z).
4 x = arctan 2 + k7

CAu 2. Tat ca nghiem ciia phuong trinh 2sin? 2 + 3v/3sinz cosz — cos?z = 4 1a

. — T T
O @xzz—i—kw(kGZ). IZE—I—k‘W(kEZ).
:g) @Vﬁ nghiém. @ Vo s6 nghiém.
~ . 1
,g Cdu 3. Nghiem duong nhé nhat ctia phuong trinh sin® z 4 sin 22 — 2cos? z = 3 la
- - 3
= (A) arctan(—5). arctan(—>5) + 7. @ % Zﬁ
-g' CdAu 4. Nghiem am 16n nhét ciia phuong trinh 3sin® z + 4sin 22 + (8v/3 — 9) cos?z = 0 la
8
S @arctan (—g—i-\/g) —g.
7] 4 8 )
L - —= :
— 3 @aretan( 3+\/§ + 7
5 Cadu 5. Cho phuong trinh sin® z + sin 2z 4 cos? z = 0. Khing dinh nao sau day dang?
@ Phuong trinh v6 nghiém. Phuong trinh c6 mdt nghiém.
@ Phuong trinh ¢6 hai nghiém. @ Phuong trinh c6 vo s6 nghiém.

Cdu 6. Phuong trinh 2sin® x — 5sinz cos # — cos? x +2 = 0 ¢6 ciing tap nghiém v6i phuong trinh nao
trong s6 bon phuong trinh sau?
@4sin2x —9sinxcosx — cosx = 0. 4sin®*z + 5sinz cosx + cos’ x = 0.
(C4tan’z — 5tanz + 1 =0, (D) 5sin 2z + 3 cos 2z = 2.
Cadu 7. Tat ca nghiém clia phuong trinh lugng giac
sin®z — v/3cosdx — sinzcos? x + V3sinxcosz =0 1

- T - 7r
x:—g-l—lmr x:—§+k7r

(A) - (k€Z). 2 (k€Z).
x:Z-I—knr xz—z-l-kﬂ
- T - m
x:—§+k7r QZI—Z—FIWT

@ _ T T (k € Z). @ T (keZ).
_:L'—Z—i- 5 _.T—Z—F s

Cdu 8. S6 nghiem clia phuong trinh sin? z(sinx + cosz) = 3sinx cos x(cos ¥ — sinx) + 3sinx trong
khoang (;27) la

(A)o. B®) 1. (©)2. D) 3.
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Cau 9. Tim tap nghiém S ctia phuong trinh sin® 2 — 4 sin x cos & + 3 cos? z = 0.
@S { + km; arctan 3 + km, ]{JEZ} (B) S ={1; 3}.
(©)8={1+kr; 3+kr, keZ}. D) S = { + ks 1,25+ kr, kez}
Cdu 10. Tim tap nghiém ctia phuong trinh 2sin® z 4+ 3sinx cosz + 5 cos? z = 2.
@{—%—i—kﬂ, keZ}. {—%H«Qw, keZ}.
@{—%+k27r;g+k‘7r,k:62}. @{—%+k‘7r;g+k7r,k:62}.

Cadu 11. Ho ndo sau day la mot ho nghiém ciia phuong trinh 2sin? z +5sinx cosz+5cos? z = 1?7

@g—l—km, ke —%Hm, ke @—%—i—kg, ke @ngw, ke
Cau 12. z = g 14 mot nghiém ctia phuong trinh nao sau day?

@sin2 2z + sin 2z cos 2z + 2 cos? 2z = 1. sinz +sinz cosx + 2cosx = 1.
(C)sinzcosz + cos?z = 1. (D)sin?z + V/3sinz cos & + cos? z = 2.

Cau 13. Tim tap nghiém ctia phuong trinh 2sin® x — v/3sinx cosz + cos? x = 1.

@{kZﬂ;%—klm,kGZ}. {lm;%%—kﬁ,kEZ}.
@{knr; g-l—knr, kGZ}. @{lm; —g-i—knr, kGZ}.

Cau 14. Tap nao sau day la tap nghiém ctia phuong trinh sinz + 2sinz cosz = 1?

@ {g—FkW; arctan%—l—lmr, ke Z}. {E

2
1 1
@{g—l—lm; arctan§+k7r, kEZ}. @{g+k7ﬁ a,rcta,n§+k7r, kEZ}'

+ km; arctan2 + kw, k € Z}.

Cadu 15. Tim tap nghiém S ctia phuong trinh 3sin x cos z + cos? x = 2.
1
@S {——+k‘7r arctan2+k7r kJEZ} ® S = { + km; 0,46 + k, kGZ}.

1
@S { + km; arctan2+k7r kEZ} @S { + k2m; arctan2+k;27r kEZ}

Noi Pau Cé Y Chi & P6 C6 Con Dudng

- 3
Cau 16. z = Iﬂ 14 nghiém cta phuong trinh nao sau day?

@sin2g+5singcosgz—2. Sin2x+5sinxcosx=—2.
@ sin® 2z + 5sin 2z cos 2 = —2. @ sin 4z + 5sin 4z cos 4z = —2.

Cau 17. Trong cac PTLG duéi day, phuong trinh nao 1a phuong trinh dong bac (dang cap) dbi véi
sinz, cos x?

@sin%ﬂ— 2cosx = 0.

sinx + \/gcosx =2

©4sin2x +sinzcosx — 3cos?z = 1.

2

(D) 2sin® z + sin? z cos z + 2sin z cos® x — 3cosd z = 1.

Cdu 18. Tap nghiem S ciia phuong trinh sin? 2 + 2sinz cosx — 3cos?z = 0 1a
A S = { + k, arctan(—3) + km, k € Z}. S = {% + k2, arctan(—3) + kr, k € Z}.

@S { + km,arctan(3) + km, k € Z}. @ S = {—— + km,arctan(3) + km, k € Z}.
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Cau 19. Tap nghiem S ctia phuong trinh 2sin?z — sinx cosz — 5cos?z = 1 1a
@ S = {arctan(2) + km, arctan(—3) + k7, k € Z}.
S = {arctan(2) + km,arctan(3) + km, k € Z}.
@S = {arctan(—2) + km, arctan(3) + km, k € Z}.
(D) S = {arctan(—2) + kr, arctan(—3) + km, k € Z}.
Cdu 20. Tap nghiém S ciia phuong trinh 4sin z + 3v/3sinx cosx — 2cos’z = 4 1a

2
@S { + k2, arctan(\/g)-l-kw,kGZ}.

S = { + km, arctan (\%)

2

@S {—— + k27, arctan (\/ﬁ) +km, k€ Z}.
2

@S { + km, — arctan (ﬁ) -|—k:7r,k‘€Z}.

Cdu 21. Tap nghiem S ctia phuong trinh sin?z — v3sinzcosz —1 =0 la

-I-k:7r,k€Z}.

@S {-i-lm -l—k:7rk€Z} B) S = {-I—lm—%-l-lmkeZ}
5 ©s5={5+kn 3 +kn ke ©)s={+kn—Z+inkez}

L Cau 22. Tap nghiem S ciia phuong trinh 4 cos?z + sin2z — 3 =0 la

1 1
@S { + km, arctan( 3)+k7r,k€Z}. S: {—%—Fkﬂ,arctan(—g)—i—kmkEZ}.
1 1
@S { + km, arctan(g)—kkw,kéZ}. @S: {—%—kkﬂ,arctan (§)+kﬂ,k€Z}.

Cadu 23. Tap nghiem S ctia phuong trinh sin® x — 12 cos® z — sinz + 2cosz = 0 1a
)
@S = {g + km, arctan(2) + km, arctan (—5) + km k€ Z}.

S = { + km, arctan(—2) + km, arctan (g) + km, k€ Z}.

@S { + k27, arctan(—2) + k7, arctan (g) + km, k € Z}.

Gv Ths: Pham Hung

@ S = {arctan 2) + km,arctan (g) +km k€ Z}.

2 .
Cdu 24. Tap nghiém S ctua phuong trinh cosTrF s.1n2x T 11
1 +sin“z

@ S = {arctan (%) + km k€ Z}. S = {k?w, arctan (%) + km, k € Z}.
@S = {kw,arctan (%) +km, k€ Z}. @ S = {lmr,arctan (—%) +kn, k€ Z}.

-VAN DUNG

Cdu 25. Phuong trinh 2sin® x + msin 2z — 4 cos? 2 = 0 ¢6 nghieém khi va chi khi
@m:4. m24. ©m§4. @mER

Cdu 26. S6 nghiem ciia phuong trinh sin® z 4 2 sin x cos x + 3 cos? z = 3 thudc khoang (0; 27) 1a

1. ®) 2. (©)3. D) 4.

Cdu 27. Tat ci nghiem ctia phuong trinh cos® z — sin®z = sinz — cos z 1a
T T
@x:Z—l—kw,kEZ. :c::tZJrknr,kEZ.

@x:%—l—kﬂﬂ,szZ. @x:—%—l—lm,kez.
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Cdu 28. S6 vi tri ngon cung khi bicu dién cung dap s ciia phuong trinh:
2cos’x — 3coswsinx + sin® x = 0 trén dudng tron lugng giac 1a

(A)1. ® 2. (©)3. D) 4.
Cdu 29. Phuong trinh sin? z + 4 sin x cos z + 2m cos? x = 0 ¢6 nghiém khi va chi khi

@mZZ. m§2. ©m24. @m§4.

Cdu 30. Tong cac nghiem thuoc (0;7) clia phuong trinh:

\/4—sin2 (g+x) = \/QSin (g+x) sinz —sin®z + 3 1a
5
@% 27‘(’. Zﬂ @37?.

Cau 31. Trong khoang (0;7), phuong trinh sin®2 — /3 cos® 2 = sinz cos>z — v/3sin? zcosz ¢6 sb
nghiém la

(A1 ® 2. (©)s. (D) 4.

Cdu 32. Tong clia nghiém am 16n nhat v6i nghiem duong nhé nhéat ctia phuong trinh
sinz(tanx + 1) = 3sin x(cos v — sinz) + 3 1a

5 T T T
L ® 3 ©3 ©-%

2sinx + 3coszx

Cadu 33. Tim tap xac dinh D clia ham s6 y =

sin?x + 3sinz cosx — 4 cos?

D6 C6 Con Puong

~ ) t
Cau 34. Tim tap xac dinh D clia ham s6 y = — aTmc . >
sin” 2x — sin 2z cos 2x O

3

@D:R\{m; _or L, m,nEZ}. D:R\{m;ﬁ+m,mez}. O
2 8 2 8 2 -
@D:R\{m,mez}. D) D= ]R\{ +—,n€Z}. 5]
2 (A
Cdu 35. Tim tap nghiém ctia phuong trinh sin® x 4 3sin? 2 cosz + 5sinx cos> x + 3cos®z = 0 6
P

@{%Jrkﬂ,kez}- {i%Jrlm,k:EZ}.
@{—%Jrlm,kez}. D o.

Cdu 36. z = % + km 1& ho nghiém ctia phuong trinh nao sau day?

sinzx cosz — vV/3cos?x _

cosz’ 2cosx — 1
@QSinxtanx+\/§sinx+cosx =

@sinxtanx+sinx+ (1 — \/5) cosx =

©2singtang+\/§sing+cosg = COSg.

2

coST

N 3
Cau d7. z = ; 13 nghiém ctia phuong trinh nao sau day?

(A)sin2z + 2cos?z = 1. sinx—|—26082§=1.
@sin%—l—ZcosQ%:l. (D) sin 4z + 2 cos? 2z = 1.
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= 3sinx + 5 cos z nam trong khodng (—3;3)?

Cdu 38. C6 bao nhiéu nghiém ctia phuong trinh

COs T

A2 ®) 4. ©s. D)s.

Cadu 39. Cho phuong trinh 2sin® x + (\/54— 1) sinz cos z + (\/§+ 1)cos’z =1 (1). Goi S la tap hop
céc nghiém cuia phuong trinh (1). SN [—m; 7| 1a tap nao sau day?

T T T 7
T ™ 3T 27 T 3T
of-F 5T 5 o {57}
Cadu 40. Tap nghiem S ctia phuong trinh 4 sin® 22 = sin 2z + cos 2z 1a
W= {7+ kez}. ® S = { +k7rk:€Z}
©)s = { +k2m ke Z}. D) S = { k;EZ}
Cdu 41. Tap nghiém S cla phuong trinh 3 sin 2z + cos 2z = L 1a
L cos 2x
‘g @S {— arctan (2) + %T,k € Z}. S = {km,arctan3 + km, k € Z}.
g @S { arctan(3) + %r,k € Z}. @ S = {lmr,arctan (;) + km, k€ Z}.
=
L Ca&u 42. Tap nghiem S ciia phuong trinh (1 + tan z)sin z = 3(cosz — sina)sinz + 3 1a
g ws={2 +k:7ri3+k7rk:€Z} ® S = {——+k7rig+k:7rk:€Z}
’ T
= ©)s = {——-I—knr 3—|—k:7r,k:€Z}. DS = {———I—lm —§+k:7rkez}
-‘é Cdau 43. Tap nghiém S cuia phuong trinh 1 + sin4x = 2tan 2x la
'; A S = {” keZ} S:{szJr%ﬂkeZ}.
O ©s-= { +k:7rkeZ} DS = { +kr k€L,
Cdu 44. Tap nghiém S ctia phuong trinh 1 + 2COS22 = 2tan§ la
@A) S = { +k2m ke Z}. S:{fwmkez}
©)s = { +k2m ke Z}. DS = { +kr ke Z}.

Cdu 45. Tap nghiém S cua phuong trinh
3
4 8in x cos (a: - g) + 4sin(x 4 7) cos x + 2sin (; - x) cos(z+m)=11la

1 1
@S {———i—knr arctan( 3)+k7r,k€Z}. S { + ki, arctan(3)+k7r,k;€Z}.
1 1
@S {———i—knr arctan (3)—|—k:7r,k:€Z}. @S { + k, arctan( 3)+k7r,/€€Z}.
Cdu 46. Tap nghiem S ciia phuong trinh 2 sin? (33 — %) = 2sin’z — tanz la

@A) S = {——+k:7rk:€Z} S:{i%Jrka,k;eZ}.
©s={x]+knrez]. ©s={-J+kemkez].
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Cau 47. Téng gia tri 16n nhéat véi gia tri nhé nhéat cia biéu thic A = sin®x + sinx cosx + 2cos®x

®§+§ B V2. ©s. @g

CdAu 48. Tim tat ca gia tri cia m dé phuong trinh sin® x 4+ (2m — 2)sinzcosz — (m + 1) cos?z =m
¢6 nghiém.

(A)m < —2. B m>1. (©-2<m<1. D) —2<m<1.
Cdu 49. Tim tat ca gia tri cia m dé phuong trinh sin?z + 2sinzcosz — mcos?z = 2 c6 nghiem
thudc khoang (0; %]

3

(A)m > —1. B) —2<m<-1. (©—-2<m<—1. ©-5<m<-1.
Cdau 50. Tim tap gié tri ctia m dé phuong trinh 2sin? x — msin 22 + (m + 1) cos? 2 = 1 khéng cé 2
nghiém thudc (0; g)

(B (1;+00). (=003 1. © (~o0:0). D [o; 1.
V3sin?z — 2sinxcosz — V3 cos? x B

(2 sinx + \/3) (400323(: - 3)

@{%—i—kﬂ'; —%—i—/ﬂr,kGZ}. {E—i-kﬂ',kEZ}.

3
@{—%Jrkg,kez}. @{—6+(4k+1) kez}

Cdu 52. Cho phuong trinh V3sin® z — (2 — \/5) sin® x cosx — (2 + \/_) sin z cos? x = /3 cos® x. Tim “O

Cdu 51. Tim tap nghiém cta phuong trinh

D6 C6 Con Puong

tap hgp tat ci cdc nghiém ctia phuong trinh trén nam trong khoang (—1;1). ‘_E
@{_z. _Z} {_E. o Z} O
47 6J° 4’

6 >
S ol 3

Cdu 53. Tim tap nghiém cta phuong trinh 2sin® z + 7sin? z cos® x + cos* = = 2. (:)j
@{g+k7r; —%—l—kﬂ,/{GZ}. {%4—/{%; —%—{—kﬂ,kEZ}. g
@{g+lm;%+kw,k62}. @{g+kg,kez}. g

Cdu 54. Tim tap nghiém cta phuong trinh 2tanz + cotz = /3 + sin22x'

@{lm;ngkw,kEZ}. {nglm,keZ}.
@{—g—i—kﬂ,kGZ}. @{g—l—kﬂ;g—l—kﬂ,kGZ}.
Cdu 55. Tim s6 nghiém ctia phuong trinh 5 sin? z + sin 2z = 2sin? g + 2 cos? g trong khoéng (—1;3).

(A)1. ®) 2. (©)3. D) 4.

Cau 56. Tap nghiém S ctia phuong trinh tan® (x — %) =tanx — 1 la
A S = { +k:7rkeZ} S:{k2w%+k7rk:€Z}
©)s = {k:27r +k2m k€ Z}. © 5= {kr, T +knkez}.
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~ 3
Cadu 57. Tap nghiém S ctia phuong trinh cos (x + 7%) —3cos (1

@S {———l—kﬂr —3—+arctan( )+k:7r,k€Z}.

7
B) S
ko _37T

{Z + km,arctan(2) + km, k € Z}.
©s- { 7

197
D) S = {——+/m — arctan(2 )+k;7r,k;eZ}.

=8 —arctan(2) + km, k € Z}.

1
Cdu 58. Tap nghiém S ctia phuong trinh sin (?_7(; — g) =3 sin
2T 3T
@S {——i—knr 15—|—k7r71—0—|—k7r,k€Z}.
147 4 3m
S—{E—I—kﬂw 15+k27r,?+k27r,k62}.
147 4 3 }
= — 4+ km,— +k 7
©s {15+k g5 T 5+7Tk:€
“U @S { + km, E—I—kﬁ 3+k7r,kEZ}.

14

(_

y J J J
n ()
2sin x+7
—x )+ = =01a
sin(7—2$)
7T+3—$)1*
0" 2/)°

g’ Cadu 59. Tap nghiém S ctia phuong trinh sin 5z = 5 cos® 2z sinz 1a

_3‘@) +k:7r,keZ}.
6_m> +k7r,k€Z}.

>+k7r,k€Z}.

= @ S = {arctan (6 il \/ﬁ) + km,arctan (6

I 3

CE)' S = {arctan (:I: 0 +3\/ﬁ> + km, arctan (:I: 3

L

ﬂ... @S = {Im, arctan (6 +3\/ﬁ) + km, arctan (6 _3\/ﬁ) + km, k € Z}.
(72

L _

- @S: km,arctan | £+ 6+ V21 + km,arctan | £+ 6 — va1

> 3 3

O

Cadu 60. Tap nghiém S ctia phuong trinh sin (3: + %) sin® 3z + cos (3x + %) cos®’x =0 1a

A)S = {——+k7rkeZ}
©)s= {—f—k—”k Z}

®) S = { . keZ}
©@s={-3}

e
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1A

2 C

3 C

4 A

5D

6 C

7 C

8 A

9 A

10 D

11 B

12 B

13 C

14 A

15 C

16 B

17 C

18 A

19 C

20 B

21 D

22 A

23 B

24 C

DAP AN
25 D 31C
26 C 32 B
27 A 33D
28D 34 A
29 B 35 C
30 A 36 A

y 4/ J J

37 C 43 A 49 B 55 C
38 B 44 A 50 B 56 D
39 C 45 B 51 D 57 A
40 D 46 C 52 A 58 B
41 C 47 C 53 D 59 D

42 B 48 C 54 B 60 C

Noi Pau Cé Y Chi & P6 C6 Con Pudng

o

B Th.S Pham Hiing Hai - @ 0905.958.921 ﬂ


https://www.facebook.com/ThayHaiToan.Mathematics/
https://www.facebook.com/ThayHaiToan.Mathematics/

9. Phuong tiinh lvong gide déi xirng, nira ddi xirng ddi véi sin z, coigo Vién Pham Hung Hai Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J
Bir9. PHUONG TRINH LUGNG GIAC POI XUNG, NUA
POIXUNG DPOI VOI SIN X, COS X

—NHAN BIET - THONG HIEU

Cdu 1. Giai phuong trinh sinx + cosx — sinx cosx = 1.

[ & =kn [z =k2r
@ x:g+k27r (k€Z). x:g-l—knr (k € Z).
©=x=k7r @=x:k27r
x:g+k7r (k € Z). $=g+/€2ﬂ' (k€ Z).
Cdu 2. Giai phuong trinh (1 + \/5) (sinz + cosz) —sin2z — 1 — /2 =
[ x = k27 [ x=kr
T s
@ x:2+k27r (k € 7). :L’Zg—klf?w (k € 7).
T r = k2w xr = k2
s T
g’ © 33:_2“”‘” (k € 7). D |*=5*kT  (kez).
3 T =——+km o= - 4k
T L 4 L 4
E Cadu 3. C6 bao nhiéu diém trén dudng tron lugng giac biéu dién cac nghiém ciia phuong trinh 5 sin 22—
o- 12(sinz —cosz)+12=07
£ (A)1 diém. 2 diém. (C)3 diém. (D) 0 diém.
.. Cdu 4. Nghiém ctia phuong trinh coszsinz = 6(sinz — cosz — 1) ¢6 tap hgp diém biéu dién trén
2 duong tron lugng giac la
I; (A)1 diém. 3 diém. (©)2 diém. (D) 4 diém.
) CdAu 5. Gidi phuong trinh sinx + cosz + sinz cosz — 1 = 0.
x = k2w x=km
@ x:g—i-/mr (keZ). x:g—i-k%r (keZ).
@zm:k:%r @zx:kQW
x:—g+k27r (keZ). x=g+k27r (k € Z).
Cdu 6. Gidi phu’dng trinh 5 + cos 2z = (4 — 2cosz)(sinz — cosz).
T = ——|—k27r x=km
2 kel). B T keZ).
@_Fﬂm (k€ 2) C_x:szﬁ (k€ 2)
©_x:k27r @—x:kw
x=%—|—k27r (k €Z). :L’Zg—i-kﬂﬁ (keZ).
Cau 7. Giai phuong trinh 2(sinz + cosx) + 6sinz cos z = 2.
[ & =kn [ & =kn
@ $:g+]€2ﬂ' (k€Z). ng-i-knr (k € Z).
[ 2= k2r [z =k2r
@ xz%—i—k?w (k € Z). @ ng—i-kﬂ (k € Z).

Cdu 8. Giai phuong trinh (14 v/2)(sinz — cosz) + 2sinzcosz = 1 4 /2.
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V' J J J
'a;—k:27r [ =7+ k27
T
T T
x—z+k27r x=Z+k27r
[z =7+ k27 [ =7+ k27
T T
@ = T hk2m (k€ 7). @ = T hk2m (k € 7).
_.TIZT(—F/WT _xzzﬂ—l—k%r

Cau 9. Giai phuong trinh 2v/2(sin x — cos ) = 3 — sin 2.
3

@x: Zﬂ-l—kZﬂ (keZ).

©c =7 +kem (ke ).

xz%-}—kﬂ(k‘eZ).

@ngww(keZ).

Cau 10. Giai phuong trinh (1 — /2)(1 + sinx — cos x) = sin 2. (@)
_m—7r—|—k27r $=/§27T g
T 4
0y x—g”f?” (k € 7). x=?+k2ﬂ (k € Z). a‘_;
T Vs
Z—-I-/mr = — 4+ k2
i _LL’ 4+ ™ c
'ac—k27r _.I'—7T—|—l€27'(' 8
@ ZL‘——+I€27T (I{JEZ) @ 1’——+k’27'(' (kEZ)
I 5 ‘0
:_+k7-‘- :—+I{527T O
Cau 11. Ciai phuong trinh 2v/2(sinx — cos ) — 2sin 2z = 1. \8
- 57-(- —
rT=—+km :—+k27r N
@B, (k e 2) 2" ez O
r=—+k27m x:—+k7r c
L 12 B
—ac—5—7r+k27r [ ——+k;7r O
© I (k € 2) | B ke >
r=——+k27m $:_+k7" ‘Q
- 12 - &)
Cdu 12 Glal phu’dng trinh sincc—cosx—Q\/ﬁsmxcosa_:. -
.’E:g—Fkﬂ' x:i_§+k27r g
@ x——;—l—kﬂﬂ (kez) le—;Jrkﬂ (k€ Z) 6
x:—z—l—k;27r x:—z—i-k'QW <
xz%%—lm x—i—g—l—k%r
@ le—;—i-knr (k€Z) @ x—l—;+k27r (keZ)
xr=——+k27 r=——+ k27
Cau 13. Giai phuong trinh sinz + cosx + sinx cosz = 1.
> o :
r = — +2km r=—+km
W™ 2 T (kew) 27 (ke
T =km r=km
i ™ ) ™
r=—+2km x ==+ 2km
© 2 7 ke D 3 7 (kep
r = k2w r=km

Cadu 14. Giai phuong trinh [sinz — cosz| 4+ 4sin2z = 1.
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@x—— (kez). B®a=kr(kez). (Ca==kr (keZ). @x:—+k7r(k€
7).

Cadu 15. Giai phuong trinh 4 (sinz — cosz) 4+ 2sinz cosx = 4.
- T i T2

r=—+kr =5+ gkm
A 2 ,(k €2). 2 23 ,(k € 7).
-1 -
v =+ Shm v =2 4 2%n
© 2 2 .kew) © | 2 (k€ ).
l’:ﬂ'—f—gkﬂ' _$:7T+2]€7T
Cdu 16. Giai phuong trinh sinxz — cosx + sinx cosx = 1.
@ngJrlmr,(keZ). x:g+2im (k € 7).
@x:—g+2lm,(k€Z). @x——+2k7r (k € Z).
Cau 17. Giai phuong trinh 2 (sinx + cosx) + sinz cosx = 2.
[ i ™
- r=—+2km r=—+km
o @2 (k€ 2). 2 (kew)
- - r=km |z =km
O _I_W o
= — 4+ 2km r = —+2km
s ©| > (kem). | 3 (kez).
<= _x:k27r _:v:knr
E Cau 18. Phuong trinh sinz + cosx = 0 tuwong duong véi
-g' @cosxzo. Bz =kr (keZ).
o @sinx:—l hoac cosz = 1. @xz—%—i—kw (keZ).
2 Cdu 19. Trong cac phuong trinh duéi day, phuong trinh ndo c¢6 tap nghiém khac réng?
4
'; @sinx—l—cosx:z sinx—l—cosa::\/§. @sinx—kcosx:;. @sinx+cosx=g.

CadAu 20. Cho phuong trinh: 3(cosz — sinz) + 2sinzcosz — 3 = 0, néu dit ¢ = cosz — sinx, véi
V2 <t <2 thi phuong trinh trén tré thanh

(A)32+2t-3=0 B 2+3t-3=0. (C)-2+3t-1=0 (D) —2+3t—2=0.

Cdu 21. Trong cac phuong trinh sau day, phuong trinh ndo nhan z = %—l—kQﬂ', k € Z lam nghiém?

@sin:v—l—cosx:\/i sinle.
@cosxzo. (D) cos?z — 3cosz + 2 = 0.
Cdau 22. CGiai phuong trinh v/2sin (x + %) +sinzcosz +1=0.
- 7r
3 r=——+ k27
@xz—zﬁ—i-k%r (keZ). 57r4 (keZ).
T —
= —— +kor r=m+ k2w
©[x=k2%r (kez). D) x:_ngk%(keZ).
Cadu 23. Giai phuong trinh [sinz — cosx| + 4sin2z = 1.
@ngm%(kezy a/:—2 (k € 7).
@x:—%—klm(kGZ). @.%‘:%-Fk/‘ﬂ'(k‘EZ).
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Cdu 24. Giai phuong trinh (1 + cosz)(1 +sinz) = 2.

®
©

xr = k2m
x:—z—i—knr(kez)'
L 4
r=km
:U:Z—l—lmr(kez)' @

-VAN DUNG

Cadu 25. Giai phuong trinh sinz cosx + |sinz + cosz| = 1.

B =k (

k€ 7). a::k:z (k € Z).

©e=k7 (

Gido Vién Pham Hing H&i Chuyén Todn 10 - 11 - 12 & LTBH
y J/ J J
r = k27
[ 2= kr
T= o4 k2 (k€z)

kez). (Dz=kr(ke).

Cau 26 Giai phu’dng trinh 2sin 2z + 8 = 3/6/sinx + cos x|.

=" 4 por T =tk ()]
0y 12 (k € Z). 12 (k € Z). c
x = —-l-lmr r = —-l-k27r 'g
-x:%+k7r -a::%—l—k%r Q
©f &~ kew o & (k € 2). c
r=—+km T =—+k2m o)
L 12 L 12 O
Cdu 27. C6 bao nhiéu diém trén duong tron lugng gidc biéu dién cac nghiém ctia phuong trinh .
|sinz — cos x| + 4sin2x = 1. 8
(A) 4. ® 3. ©1 D) 2. e
Cdu 28. Giai phuong trinh 2sin® z — cos 2z + cosz = 0. QA
x = k2w x=km O
o
@ a:z—%—i—lmr (k € Z). x:—%—f-k (k€Z) E
©=x2k27r ez @=$:k7r ez §)
s s
_:I;:—Z—i-k27r (k €Z). -$:Z+k (k €Z) >
Cdu 29. Giai phuong trinh 2 cos® x + cos 2z + sinz = 0. 8
d p _
= - +km r= -+ Fk2m
@ 25 (k € Z). 2q (k€ Z) =
r=——+kn r=——+km O
L 4 i 4 Q
i k2 [ =" + km
x = k21 = n—
m keZ). 2 keZ O
©_“’=z+’f2” (k € Z) 0) e iir (k € 2) L

Cdu 30. C6 bao nhiéu diém trén dudsng tron lugng giac biéu dién cac nghiém ciia phuong trinh
2sin® ¢ — sinaz = 2cos® x — cos x + cos 2z 7

(A)1 didm.

2 diém.

Cdu 31. Giai phu’dng trinh sin® z — cos® & = 1 — sin 2z.

@&

©

=—+k27r
x:§+k27r (k €Z).
r=m+ k27
r ™
r=—+kr
x:§+k27r (k€Z). @
| =7+ knm

(C)6 didm.

(D) 3 diém.

[ o=t kn
r=mx+ k2w
- s
r=—+km
$:§+k2ﬂ' (k € Z).
| x =7+ k27

Cadu 32. Giai phuong trinh cos® z + sin® z = sin 2z + sinx + cos z.

69/97 ‘
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9. Phuong tiinh lvong gide déi xirng, nira ddi xirng ddi véi sin z, coigo Vién Pham Hung Hai Chuyén Todn 10 - 11 - 12 & LTBH

©x=g+k7r,(keZ).

@x:g—i—%ﬂ,(k:eZ).

y J/ J J
r r 7r
SRS =T k2
A T2 kew). TR e
| v =k | v =k
i r m
r=+kn r= -+ k2
2 keZ 2 keZ).
©_a:—k27r ( ) @_:L’:k27r ( )
~ 1
Cadu 33. Giai phuong trinh — = 2V/2.
] - sinz  cosx ) -
x:Z+k7r :Z+k277
) )
B | a=—5+ker (kez) r= -2k (kez)
0 L
:x— 5 7r :x— B m
x:2+k27r xz%—l—kﬂ
) )
© x:—£+kw (k € Z) D) x:—1—72T+k7r (k € Z)
_u? _u®
[T e T T T
- . T
Cadu 34. Giai phuong trinh — = 2v/2 cos (m—i— )
“6 ) cosr sinz 4 -
— :—-l-lmr T =—+km
I (k € 2). I (ken)
27 :—+k27r x:I—f—lm
D [ :—+k27r —x:—z+k27r
T ©| & (e © br (keD)
E _a::——l—lmr _ZL’:—Z—F]{??T
_g' Cdu 35. Gidi phuong trinh —4 (sinz + cosz) (1 — sinx cosx) + 5 (sinx + cosz) = 1.
o- v ==+ 2%n T ==+ kr
.. A 2 kel 2 kel
2 x = 2km x =km
[
>
)

~ 3

Cadu 36. Giai phuong trinh 1 + sin®z + cos® z = 3 sin 2.
@x € {7r+k27r;—g+k27r}, (keZ).
©x=7T+k27r, (keZ).

:L”E{Tr—l—/fﬂ';—g—l—kﬂ'}, (keZ).
@x:—ngﬁ, (k € 7).

Cdu 37. Gidi phuong trinh (1 + sinz) (1 + cosz) — 2 =0.

™
— + 2k
xr=km

r = k2w

@ ng—i-Qkﬂ L

keEZ

kel

©

E—I—kﬂ'
2 keZ.
xz=km

E+2k7r
3 kel
_a::knr

Cdu 38. Giai phuong trinh sin 3z 4 cos 3z = /2 (sin2 T + cos? x)

@x:%—i—kﬂﬂ (keZ).

T +k52
12 6

©=13

(ke Z).

k2
=2+ T (ke m).

12 k:23

s s
@x—g—i-?,(k}EZ).

Cau 39. Giai phuong trinh /2 (sinz + cos ¥) = tanz + cot .

xz%-l—%lm,(k:GZ).

@x:%-l-knr,(k‘EZ).

e
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Chuong 1. HAM $& LUONG GIAC - PHUONG TRINH LUONG GIAC  Gido Vién Pham Hiing H&i Chuyén Ton 10 - 11 - 12 & LTBH

y J J J
2
©x=%+§km(k:eZ). @ngmm,(/«em
Cdu 40. Giai phuong trinh cos® z — sin® x = —1.
_x—z+k:7r _x—z+3k7r
(A) 2 (ke). 2 (ke).
r=—7+km r=—7+ 3km
B T B T
T =—+Tknr r=—+2kmw
©| 2 (k€ Z). @ | 2 (k€ Z).
T =—7+ Tkrm r=—7+ 2k7

Cau 41. Giai phuong trinh |cosz — sinz| 4 2sin 2z = 1.

@x:%Tﬁ,(keZ). x:%Tﬁ,(kGZ). @x:mTﬂ,(kGZ). @x:kg,(kEZ).

N 1 1 1
Cdu 42. Giai phuong trinh cosx + —— +sinx + —— = —0 0)
cos T sin x 3 c
s 24419 s 2—419
x = — £ arccos ——=— + 2km, (k € Z). xr = — £ arccos ——— + 2km, (k € Z). QO
W= e (k €2) . e (k€ Z) o
v 2419 T —+/19 QA
r = — * arccos ——=— + 2km, (k € Z). r = — *+ arccos ——=— + 2km, (k € Z).
©e=7 o5 tm(kez). D=7 o5t (kez) =
N 3
Cdu 43. Giai phuong trinh sin® z + cos®z + 1 = 3 sin 2z. O
o= +2% =T ok Q
r=—= s r=— s
@[T ke, 2 T (kew) O
x =7+ 2km x =7+ 2km ‘O
:x—z~|—/~c7r :x—z+2k7r @
© 2 ke O 47" (keD) O
r=—m+kr xr =m+ 2km Ve
- - L
. _ 2V3 O
Cdu 44. Giai phuong trinh sinz + cosx = T\/l + sinx cos . -
@ng—l—le,(k‘EZ). xz%—i—ka(kGZ). 8
@x:%Jrkﬁ,(keZ). @xz—%+2k:7r,(keZ). 5
«O
Cdu 45. Phuong trinh (1 + sin®z) cosz + (1 + cos? z) sinz = 1 + sin 2z ¢6 bao nhiéu nghiem thuoc ()
T
2 A ) -
khoang (0, 2). o)
(A)o. ® 1. (©)2. (D) 3. =

Cau 46. Phuong trinh (1 + v/2)(sinz — cosz) + 2sinz cosz = 1 4 y/2 ¢6 bao nhiéu nghiém thuge
doan [0; 27]?

e ® 4. ©2. D) 3.

Cau 47. Phuong trinh 1+ sin® z +cos® z = ; sin 22 ¢6 tap nghiem dude biéu dién béi bao nhiéu diém
trén duong tron lugng giac?

(A)2. 6. (©)s. (D) 4.
Cadu 48. Khang dinh nao sau day la ding vé phuong trinh sin 2z — sinz — cosz + 1 = 07

@ C6 tap nghiém bicu dién bdi 2 diém trén dudng tron luong giac.

C6 tap nghiem biéu dién béi 3 diém trén dudng tron luong giac.

@Cé tap nghiém biéu dién béi 4 diém trén duong tron lugng giac.

@ C6 tap nghiem biéu dién béi 5 diém trén duong tron luong giac.

o
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9. Phuong tiinh lvong gide déi xirng, nira ddi xirng ddi véi sin z, coigo Vién Pham Hung Hai Chuyén Todn 10 - 11 - 12 & LTBH

Gv Ths: Pham Hung Hai

y J/ J J
N 2 .
Cdu 49. Phuong trinh (1 — sinzcosx)(sinz + cosx) = > c6 tat ca cac nghiém c6 dang: =z =
% + k2m;x = —% + arcsin(m) + k2m; x = ?ZTW —arcsin(m) + k2w (k € Z). Khi d6 gia tri cua m la
N /6 V3
W2 2v2
VE-vE,  —Vi-\3 VeI Y,
@ ——— hodic ——. @ hoac )
42 42 2v/2 2v2

Cdu 50. Phuong trinh sin 2z++/2sin (a: — %) =1 ¢6 tat ca bao nhiéu nghiém thuoc doan [0; 7]?

A1, ® 3. ©:2. Do.

~ . 1 10
Cadu 51. Tat ca cic nghiém cua phuong trinh cos z + +sinx+ — = — la
CoS T sin @ 3
2—41
@xz%:l:oz—i—ﬂm (VéikeZva Cosa:Tg
2/ — +/
xz%:l:&—k?/mr (VéikeZVa cosaz%).
2—41
@x:gia—l-%nr (Vc’iikeZva COS&ZTQ
2/2 — \/
@x:g:l:a—FZ/mr (V(’jikGZVa cosaz%).

Cdu 52. Phuong trinh 2sin® z — sinz = 2 cos® z — cos x + cos 2z ¢6 bao nhiéu nghiém thudc khoang
(05 )7

A) 3. (B 2. ©1. D) 4.
N 3
Cadu 53. Phuong trinh sin x —cos z+2 sin 2z = —1 ¢6 bao nhiéu nghiém thudc khodng (—7r; —W) ?

2
(A)2. (B 3. (©4. D) 5.

-VAN DUNG CAO
Cadu 54. Giai phuong trinh 2 (tanz — sinz) 4+ 3(cot x — cosx) + 5 = 0.

[ 1—+/2
T = —% —|—arcsin< \/—> + k27

@ :v:?%—a,rcsin(l_\/i>+k27r (k€ Z).

xr = arctan (—§)
T 2

[ 1—+2
T = —% +arcsin< \/_> + k2w

1 —+v2
x:%r—arcsin( \/_)4—1527? (keZ).

T = arctan (—§)
N 2
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i T 1—+2
r = —— + arcsin + k27w
4 ( V2 )

3m . 1—+2
@ z = —— —arcsin (T) + ko (k€ Z).

3
r = arctan (—5) + km
1—+vV2
T = _r + arcsin < \/_> + k27

4 V2
1—+/2
@ ng—ﬂ—arcsin V2 +k2or (keZ).
4 V2
3
x = arctan (—5) + k7
- R ) 1 —cos®
Cdu 55. Giai phuong trinh tan®r = ————.
1 —sin’z
[ T —1++2
r=——+4arcsin | —— | + k27
4 ( V2
3 —1+2
T = — arcsin + k27 7,
@) ( % ) (k€ 2)
= k2w
:$:%+k7r .
s -1+ 2
r=——+arcsin | ——— | + k27
4 ( V2 )
3T 142
r=——arcsin| ——— | + k2«
x=km
:x:%+k7r .
T -1+ V2
r=——+arcsin | —— | + k27
4 ( V2 )
3 142
r=——arcsin | ———— | + K27
© 0 ( 7% ) (k € 2)
= k2w
x:%—i—k%r
[ T —14++2
r=——+arcsin| ——— | + k7
4 ( V2 )

-1 2
@ T = 3_7r — arcsin <i> + km (k€ Z).

4 V2
= k2w
_x:%—i—lmr

Cdu 56. Giai phuong trinh sin 2z — 3v/3 cos (x — %) +4

©

y J/ J J

Noi Pau Cé Y Chi & P6 C6 Con Pudng

=0.
x:5—7r—|—k:27r

12 (k € Z)
=+ k2
T %Q-I-k:w

T
r=-—+k

12 (ke Z)
X E+k7’('

o
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9. Phuong tiinh lvong gide déi xirng, nira ddi xirng ddi véi sin z, coigo Vién Pham Hung Hai Chuyén Todn 10 - 11 - 12 & LTBH
Cadau 57. Tim tét ca cac gia tri thuc ctia tham s6 m dé tap hop cac diém biéu dién cac nghiem cta
phuong trinh sin 22 +2+v/2m(sin x —cos z)+1—4m = 0 chi la mot diém trén duong tron lugng giac.

S ®n: Ol o5

m>1

Cdu 58. Tim m dé phuong trinh sinz cosz — sinx — cosx +m = 0 c6 nghiém.

M<m<l. m>ﬂ. m < 1. 3_—2\/§§m§1.
2

2 2
Cdu 59. Tim m dé phuong trinh sinz + cosz = m + sin 2z v nghiem.
) ) ) )
> - > — > - > —
W "= : " . ©™=1 . D™ .
m<—1—+2 m<—1-—+2 m<—1-—+2 m<—1-—+2

Cdu 60. Tim tat ca cac gia tri ctia m dé phuong trinh m (sin  + cos ) + sin 2o = 0 ¢6 nghiém.

(A)m € R. B -vV2<m<v2 (©)vV2<m<V2 D) -1<m<1.
Cadu 61. Dé phuong trinh sin® z + cos® # = m c¢6 nghiém, tham sé m phai thod man diéu kién nao
dudi day?

(A)—2<m<—1. —ngg—i ©1<m<2. Lem<

1=

x = m c6 nghiém.

“U CaAu 62. Tim tap hop tat cd cac gia tri ctia m dé phuong trinh sin® z — cos

3

1 1
T (A-1<m<l B) -1<m<1. ©V2<m< V2 @—§<m<§.
O _.
¢ Cau 63. Phuong trinh v/2 (sinz 4 cosz) — sinz cosz = 1 ¢6 bao nhiéu nghiém trong khoang (0; 27)?
=
= o ® 1. ©:2. Ds.
CE,. Cdu 64. Phuong trinh <1 + \/5) (sinx — cosz) + V2sinzcosz = 1+ v/2 ¢6 bao nhiéu nghiém trong
L doan [—m;7]?
- @ ®) 2. ©)3. D) 4.
2 CaAu 65. Cho ham s6 y = f(x) = cos4x + sin 2z va ham s6 y = g(x). /Gié\ st phuong trinh f(z) =
= 6 tap nghiém la S, phuong tinh g(x) = 0 ¢6 tap nghiém la S,. Biét rang S; C Sy. Tim dap an
5 DUNG?

@ (x )—25111 2o+ 3sin2z + 1.

(B) g(x) = sin® z — cos® & + sinx cos? & — cos z sin® .
@g (x) = sin4z + cos 2x.

@g = 2sin2z + 1.

Cdu 66. Cho phuong trinh m(sinz + cosz) + sin 2z = 0. Tim m dé phuong trinh c6 ding 2 nghiem
thuoc [0; 7r]

@_<m<o B)0<m< V2 @ogmgg. (D) —vV2<m<0.

Cau 67. Cho phuong trinh sin 2z + 2v/2m(sinz — cosz) + 1 — 4m = 0. Tim m dé tap nghiem cta
phuong trinh duge biéu dién bdéi nhiéu hon 1 diém trén duong tron lugng giac?
1 1 1 1
@—§§m<§. Bm<0vm>1  (©o<m<l. m< o Vmz o,
Cdu 68. Phuong trinh sin 2z — 12(sinz — cosz) + 12 = 0 ¢6 hai ho nghiéem dang = = o + k2m;x =
B+ k27 (a, 8 € [0;7]). Khi d6 o + 3 bing

B B i i

4 2

( BANG PAP AN
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y J/ J J
1. D ]2. A||3. B4 C |5 D||6. A [|7. C |8 D 9. A ||10. B
11. C ||12. D ||13. C ||14. A ||15. D ||16. A ||17. C ||18 D [[19. D |[|20. D
21. A ||22. D |[23. B ||24. B ||25. B ||26. C [[27. A |[28. A ||29. B ||30. C
31. D ||32. A |[33. B |[34. C ||35. A ||36. A ||37. C ||38. B ||39. D ||40. D
41. D [|42. B ||43. A [|44. A ||45. A [|46. D |[[47. A ||48. C [|49. B ||50. B
51. B [|52. B ||53. A ||54. D ||55. A ||56. B |[57. D ||58. D [[59. D ||60. A
61. D ||62. A [|63. C ||64. D [|65. C [|66. A ||67. C [|68. D
(@)
C
o)
>
n)
c
O
@)
‘O
®)
‘O
n)
O
[ \p—
L
O
>
‘O
O
- )
O
n)
(0]
Z

o
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10. Phuong trinh lvong gidc dua vé phuong trinh tich Gido Vién Pham Hung H&i Chuyén Toén 10 - 11 - 12 & LTBH

y J/ J J

Bir10. PHUONG TRINH LUONG GIAC DUA VE
PHUGNG TRINH TICH

—NHAN BIET - THONG HIEU

Cadu 1. Phuong trinh sin 2z — 2sinx = 0 nhan gia tri nao dudi day 1a nghiem?
OF ® ;. ©n. ®-3
2 3 2

Cdu 2. Nghiém ctia phuong trinh sinz 4 4 cos x = 2+ sin 2z duge biéu dién bdi bao nhiéu diém trén
duong tron lugng giac?

1. ®) 2. ©)3. D) 4.

Cau 3. C6 bao nhiéu diém trén duong tron lugng giac biéu dién nghiém ctia phuong trinh sin z . sin 3z+
sin 4x sin 8x = 07

(A) 22. (B) 24. (C)20. (D) 26.
Cdu 4. S6 nghiém clia phuong trinh cos x(1 — cos 2x) — sin? x = 0 trong doan [0; 7] 1a
(A)2. 3. @ 1. D) 5.

osdx

Cdu 5. Phuong trinh ¢ = tan 2x ¢6 bao nhiéu nghiém thudc khoang <0; g)’?
cos 2T

A)2. ® 3. ©)4. D)s.

Cadu 6. Phuong trinh sin (1 + cos 2x) = cos? x ¢6 tap nghiem dudc bidu dién béi bao nhiéu diém trén
duong tron lugng giac?

(A)5. (B 4. (©)s6. D) 2.

Cdu 7. Tim ho nghiém ctia phuong trinh 1 + sin 2. cosz = cos x + sin 2z7

Gv Ths: Pham Hung Hai

r=km r=k2r xr=km r=km
® v ="tk v ="t kn © v ==+ kon © T =+ k2n
L 4 4 2 4
Cdu 8. Phu’dng trinh v/2sinz — sin 2z = 0 tuong duong voi
=T k2 — T ko
x 4+k7r x 4+k7r
@ x:_£+k27r(k€Z). xz—%-ﬁ-k%r(kez)-
x—k:27r |z =k
___|_k —
T " xz%—kk?w
© o= T 4hrkem). 0 . (k €2).
4 r=——+4k2r
|z = km - 4

Cdu 9. C6 bao nhiéu diém trén duong tron luong giac biéu dién céc nghiém ctia phuong trinh cos = +
cos 5 = cos 3x?

(A) 8 diém. 9 diém. (C) 10 diém. (D) 11 diém.
Cadu 10. C6 bao nhiéu diém trén duong tron lugng giac biéu dién cac nghiém ctia phuong trinh
cosx = cot z?

(A) 1 diém. 2 diém. (C)3 diém. (D) 4 didm.
Cadu 11. C6 bao nhiéu diém trén duong tron lugng giac biéu dién cac nghiém ctia phuong trinh
2sinx + tanx = 07

(A) 1 diém. 2 diém. (C)3 diém. (D) 4 didm.
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Cdu 12. C6 bao nhiéu diém trén dudng tron lugng gidc biéu dién cac nghiém ctia phuong trinh
cos3x — 3cosx = 07

(A)2 diém. 4 diém. (C)6 didm. (D) 1 diém.

Cau 13. Phuong trinh tanz — 2 tan 2z = 0 tuong duong véi

xr=km
m
(A)z = k2r (k€ 7). r=o+hkT (pez)
x——z—l—km
3
r = k27
m
© |*=—35 1k (kez) D)z =knr (k€ 7).
r=—=+tkn
3

()

-VAN DUNG ,8

Cadu 14. Phuong trinh cos2z + (1 + 2sinx)(sinx — cosz) = 0 ¢6 bao nhiéu nghiém thudc doan 3

[—m; |7 -
(A)2. 3. (©)s. D) 4. o
Cau 15. Ho nghiém ctia phuong trinh sinz + cosx + 1 + sin 2z + cos 2z = 0 1a O
:U—W+k7r 7T-|-k;7r T = 7T—|—k27r T = 7T—|—k7r ‘0
S o= - _ -
w| ¢ : © ! 0) ) O
27 : m : 2m : 2m :
r=+—+ k27 r=+- + k27 r=—+ k27 r=+—+kr ‘O
3 3 3 3 Q
Cadu 16. Tim nghiém duong nhé nhat ctia phuong trinh 1 — tan z tan 2z = cos 3x. °O
om 9 om @ 7T T .
12 6 6 12 L
Cau 17. Giai phuong trinh sau cosx + cos 2z + cos 3z + cos 4x = 0. O
s i T T s
r=—+k= r=—+k= r=—+kpi T T >
4772 2 72 4 r=aT
x=§—l—k7r x=§+k7r x=§+k27r x = +km (@)
- . . -]
Cdéu 18. Tinh tdng tit ci cac nghiem clia phuong trinh 1 + tanz = 2v/2sin (x + %) trén doan <«
[0; 7. A
om G T 137 117 6
12° 12° 12 12 e
Cau 19. Phuong trinh sin z + sin 2x + sin 3z + sin 4z = 0 khong tuong duong véi
@ cos z(sin 6x + sin 2z) = 0. sin 2z (4 cos? z + 2cosz — 1) = 0.
@cosz(sin?)—x—l—sin?—x)—o Sin5—x(cos3—x—cos§)—0
2 2 2/ 2 2 2/

Cdu 20. C6 bao nhiéu diém trén duong tron lugng gidc biéu dién cac nghiém ctia phuong trinh
x
cos? = = 2(1 + cos z) sin 3z?

2
(A)4 diém. 5 diém. (C)6 diém. (D) 7 diém.

Cdu 21. C6 bao nhiéu diém trén duong tron lugng gidc biéu dién cac nghiém ctia phuong trinh
1+ 2sindx = 2cos? x?

(A)6. 8. (©)10. D) 12.
Cdu 22. C6 bao nhiéu diém trén duong tron lugng gidc biéu dién cac nghiém ctia phuong trinh
2(1 + sinz) cos? 2x = cos® x?

(A)6 diém. 7 diém. (C)8 diém. (D) 9 diém.
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Cdu 23 Phu’dng trinh 1 + tanx = sinz + cos x tuong duong véi

:§+k27r I—g+kﬂ'
A - (k € 7). - (k € 7).
;U:———|—k;7r .T:——+l€7T
- 4 - 4
r=—+km r=—+k2r
@ 27T (ke Z). @ 27T (keZ).
x:—Z+k27r :E:—Z+k27r

Cdu 24. C6 bao nhiéu diém trén dudng tron lugng gidc biéu dién cac nghiém ctia phuong trinh
T
sin (.75 + Z> = (sinz + cosx)*?

(A) 1 diém. 2 diém. (C)3 diém. (D) 4 didm.

Cdu 25. C6 bao nhiéu diém trén dudng tron lugng gidc biéu dién cac nghiém ctia phuong trinh
1 + sin 2z = 2 sin 3z sin (:1: + )

(A)6 diém. 8 diém. (C) 10 diém. (D) 12 diém.

Cadu 26. Goi S la tap nghiém ciia phuong trinh tanx = 1 — cos 2z trén doan [0;7]. S 1a tap con cla
tap nao sau day?

BpZa  ®pE) ©pI% ®fRiTa)

Cdu 27. Tim nghiém duong nhd nhat ctia phuong trinh sin  + sin 2o = cosx + 2 cos? x.
m 2m T T
o ® 3 ©7 ©3

Cdu 28. Nghiém ctia phuong trinh sin 3z + (1 — cosz) cos 2z = (sinx + 2 cos ) sin 2z dugc biéu dién
béi bao nhiéu diém trén dudng tron luong giac?

(A)2. B®)5. (©)4. (D) Vo sb.

Cdu 29. Nghiém ctia phuong trinh cos2z 4 3sin2x + 5sinz — 3cosx = 3 dude bicu dién bdi bao
nhiéu diém trén dudong tron luong giac?

2. ® 4. ©6. D)s.

Cadu 30. Nghiém ctia phuong trinh: sin? z + sin? 3z = cos? 2z + cos? 4z dudgc biéu dién bdi bao nhieu
diém trén duong tron lugng giac?

(A) 14. 16. (©)18. (D) 12.

- 7 )
Cdu 31. Cho phuong trinh sin  cos 4z — sin? 2z = 4sin? (% — %) ~ 3 Tim s6 nghiém ctia phuong

Gv Ths: Pham Hung Hai

trinh théa man |z — 1| < 3.
A) 2. B 1. (©)3. D) 4.

Cdu 32. Ho nghiém ciia phuong trinh sin 22 — cos 22 +sin x — cos & = 1 dugc biéu dién béi bao nhieu
diém trén duong tron lugng giac?

A2 ®s. ©s. D4

~ in 2 2 —sinz — 1 . N y
Cadu 33. Nghiém cua phuong trinh SIM2T A 2COST T S = 0 dugc bieu dién bdi bao nhiéu diem

tanx + \/§
trén duong tron lugng giac?
A1 (B 2. (©)s3. (D) 4.
Cadu 34. Phuong trinh /4 — 22 (sin 27z — 3cos mx) = 0 ¢6 bao nhiéu nghiem?

@Voso. B 4. @6 @10.
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- 1 2 in 2
Cdu 35. Phuong trinh teossr _ smev tuong duong véi
coS T 1 —cos2x
@ 1 — cos? 2z = sin 2z cos z. sin 2z (sin 2z + cosz) = 0.
i km
r=—
4 9 T = % + k27
6 3 r=——Fk27
7T 6
T=g - k2w

Cdu 36. C6 bao nhiéu diém trén dudng tron lugng gidc biéu dién cac nghiém ctia phuong trinh

cos? ¥ + 2(sin 3z — 1) sin? <% - g) =07

(A)4 diém. 5 diém. (C)6 diém. (D) 7 diém.

Cdu 37. C6 bao nhiéu diém trén duong tron lugng gidc biéu dién cac nghiém ctia phuong trinh

cos 3z + (2sin 2z + 1)(sin 2z — cos ) = 07 CCD
(A)7 diém. 8 diém. (©)9 diém. (D) 10 diém. 0
Cdu 38. C6 bao nhiéu diém trén dudng tron lugng gidc biéu dién cac nghiém ctia phuong trinh >
(14 sinx)(1 + cosz) tan(m — ) = sin 2x + 2sinz + 2cosx + 27 A
(A)2 diém. 3 diém. (C)4 diém. (D) 5 diém. 8
Céu 39. C6 bao nhieu diém tréen duong tron luong gidc biéu dién céc nghiem ctia phuong trinh ()
1 —cos2x ‘
sin” 2z (@)

(A)1 diém. 2 diém. (C)3 diém. (D) 4 diém. O

Cau 40. C6 bao nhieu diém tren dudng tron lugng gidc biéu dién cac nghiem cla phuong trinh G2
cot x = cosx + tanx + cos 3x7? °O
\C

(A)4 diém. 5 diém. (C)6 diém. (D) 7 diém.

£

O

[BANG DAP AN] >

‘O

(1. Cc]l2. B][3. A4 B][5. Alle. B]|[z. B]|[s. B|[o. C][10. B O
11. D |[12. A |[13. D |[14. D ||15. D ||16. C |[17. A |[18. C |[19. D ||20. D -
121. B |[22. D ||23. A |[24. D |[25. B ||26. C |[27. C |[28. C |[29. B |[30. A ‘g
131. A ||32. D|33. A|[34. C|[35. D |[36. A |[37. B |[38. C |[39. D |[40. A -
O

pd

o
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Bir11. PHUOGNG TRINH LUGNG GIAC CO TAP
NGHIEM BI GIOI HAN

—NHAN BIET - THONG HIEU

Cau 1. Phuong trinh sin (x + %) = 0 ¢6 bao nhiéu nghiém thuoc khoang (0; 27)?

A 1. B 2. (©)s3. D) 4.
o~ s 2 £ 2 2 PN 2 ~ \/g ~ 2
CdAu 2. Tinh tong tat cd cac nghiém ctia phuong trinh tanz = Y thudc khoang (0;27).

0 Opd 4 Oi

3 3 3

~ . 1
Cadu 3. Goi n la s6 nghiém ctia phuong trinh cos? x = - trén khoang (—77; g) Tinh n.

(A) 4. (B 3. (@22. D) 1.

.. CAu 4. Goi S la tap hop céc nghiém cita phuong trinh v/3cosz — sinaz = 1 véi  thuoe doan [0; 27].
O Tmh téng cac phan ti cia S.

I 5 e 4drr

/= Cau 5. Phuong trinh tanz = cot x ¢6 bao nhiéu nghiém thugc khoang (; 37)?

n

T QAL ®) 2. (©)s. D) 4.

E CAu 6. Tinh tdng tat ca cac nghiém ctia phuong trinh sin x —cos z = 0 véi x thuge khoang (0; 10).
O- 3 b 157 197

= =, ® =—. - -

o 2 2 4 4

-ié Cadu 7. S6 nghiém ctia phuong trinh sin (% + :E) = 0 trén khoang (0,7) la

'; (A) Khong 6. Mot. (C) Hai. (D) Vo 6.

- 3
Cdu 8. Nghiém ctia phuong trinh cosz = g trong khoang (—g, O) la
T T T T
Pl ®7 ©-I ©-I
Cdu 9. Nghiém duong nhé nhat ctia phuong trinh sin (:c - g) =11a
s T s om
B 3. 5 ©3 o
Cau 10. Tong cac nghiém ctia phuong trinh sin (2a7 + %) = —1 thuoc doan [0;27] la

o 5 for o=

4 8 8

~ 1
Cau 11. Phuong trinh sin 2z = —3 ¢6 bao nhiéu nghiém trong (—g; 27r> ?

(A)6. ® . (©)3. D).

Cdu 12. Phuong trinh —2sin*z +sinz + 1 = 0 ¢6 bao nhiéu nghiém thuoc khoang (0;6)?

A)2. B 3. (©)4. D).
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Cau 13. Goi S la tap nghiem ciia phuong trinh cos® x —sin® . = 1 véi —27 < 2 < 27. Tinh tong cac
phan tit ctia S.

®-L ®o. = O

~ i o i . ., cos2x —sin2x + 3sinx 4+ cosx — 2 N
Cau 14. Goi m la s6 nghiém cta phuong trinh 5 3o =0vii0 <z <
— 3cos?x

10. Tinh gia tri ctia m? —m + 1.
(A)21. 31. (C)43. (D) 13.

A in 3 in 5
C@u 15. Phuong trinh Sm3 T _ Siov

(A) 26. 28. ’ (C) 30. (D) 32.

Cdu 16. Goi S 1a tap nghiém ctia phuong trinh cos 3z —2sin 3z — 6 sin 22 — 5 cos 2z +6 sin x — 9 cos x +
3 = 0 trong khoang (0;27). Tinh tong cac phan tit ciia S.

c6 bao nhiéu nghiém thuoc khoang (0;30) 7

3T om s 9 g
2 2 2 2 D
. 1 -
Cau 17. Phuong trinh ——— + 2cos2r — 4cosx + 2v/3tanx +5 = 0 c¢6 bao nhiéu nghiem thuoc ()
cos? x
khoang (0;2018)? 8
(A) 640. 642. (C) 320. (D) 321. O
~ 1 .
Cadu 18. Goi S la tap nghiém cta phuong trinh (cosx + 1)(cos2x + 1)(cos3x + 1) = 5 Tinh tong céc 8
phan t1t ctia tap hgp S N (0; 47). O
53
(A) 24r. ® =~ (C)18n. (D) 20r. £
3 °O
N 7
Cau 19. Phuong trinh sinz. cos 4z — sin? 2z = 4sin? (g — %) ~ 3 c6 bao nhiéu nghiém thoéa man ‘_E
|z — 1| < 37 (@)
(A)1. ® 2. (©)3. D) 4. >
\
Cau 20. Tong cic nghiém ciia phuong trinh (sinz — 1) (2sinz — 1) (4sinz — 1) = 0 trén [0; 7] 1a 8
T %
—. B) 2r. —. @ 3. -
Cdu 21. S6 nghiem am ciia phuong trinh sinz + /3 cosz = /2 trén doan [—m; 27 1a (A
(A)1. ® 2. (©)s. (D) 4. )
P

~ . 7
Cdu 22. S6 nghiém ctia phuong trinh cos 2z + 3sinx + 4 = 0 trén khoang (—37; g) 1a

2. ®) 5. ©s. D) 4.

Cau 23. Goi m la s6 nghiém ctia phuong trinh 2sin® x — sin 2z 4+ 3 cos? z = 2 trong doan [—g; 37r].
Tinh A =m? +3m — 1.

(A) 53. 87. (C)39. (D) 69.
Cdu 24. Xac dinh s6 nghiém ctia phuong trinh 2sin 2z + sinx + cosz = 1 trén doan [0; 27].
(A) 4. 3. (©)s. D) 2.
Cadu 25. Nghiém duwong nhé nhat ctia phuong trinh 8sinx cosx cos2z = 1 ¢6 dang M7 6 m, n la
n

cac sO nguyén va — la phan sb tdi gian. Khi d6, tinh gia tri cia A = m? + 2n.
n

(A)43. (B) 49. (©)21. (D) 25.
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O
XL

ung

~

Gv Ths: Pham H

y J/ J J
- )
Cdu 26. Xét phuong trinh tan % cosx + sinz = 1. Trong khoang (;, 47r), mot trong cac nghiém

cua phuong trinh la:

i 97

71 .
@x = 3—; @ Khong ton tai nghiém dang xét.
A < o, . sin 3x ~
Cdu 27. S6 nghiém ctia phuong trinh = 0 thuoc doan [27; 47].
cosx + 1

?

A)2. ®) 4. (©)s. D)6.
o 77r)

CdAu 28. Vi gia tri ndo ctia m thi phuong trinh sinz = m ¢6 nghiém trong khoang (Z’ T

@mé!?;l}. me!—l;—g). @me!—g; ] @m:—g.

Cdu 29. Trong khoéng (0; g), phuong trinh sin® 4z + 3sin4x cos 4z — 4 cos? 4z = 0 ¢6

@ mot nghiém. hai nghiém. @ bén nghiém. @ ba nghiém.

N 9 15
Cadu 30. Tich cac nghiém trong khodng (0; 27) clia phuong trinh sin (2£C + g) —3cos (x — Tﬂ) =

1+ 2sinzx 1a
5 @ T 53 53
18 9 18 36

- VAN DUNG CAO

Cadu 31. Cho m < p la hai s6 nguyén duong trong d6 m chan, p 1& . Goi n 1a sd nghiém ctia phuong
trinh sin mx + sin pz = 0 trén khoang (0; 7). Tinh gia tri ctia n theo m va p.

@2p—m—3. p—m. @p—l. @m—l.

~ 1
Cadu 32. Goi S 1a tap nghiém ctia phuong trinh cos x + cos 2z + cos 3x + cos 4x + cos bx = -5 véi x

thuoc (0; 7). Tinh tong cac phan ti clia tap S.

24m 307 367 427
11° 11° 11° 11
Cdu 33. Phuong trinh cos?(wsinz) = 1 ¢6 bao nhiéu nghiém thuoc doan [0; 20177]?

(A) 4033 4034. (C)4035. (D) 4036.

Cau 34. Goi S latap nghiém ciia phuong trinh (cosx—1)(2cosx—1)(3cosx—1) ... (2017 cosz—1) =0
v6i x € [0;27]. Tinh tdng tat ci cac phan tit clia S.

(A)o. B) 2r. (C)20177. (D) 40347

CaAu 35. Cho cac s6 thue z,y, 2 thuoe doan [0,7]. C6 tat ca bao nhieu bo ba s6 (;y; 2) théa man
sinz  siny  sinz
1 V3 2

(A) 3. ®) 4. (©)s5. D) 6.
Cadu 36. Goi x1,29,...,2, 1a tat cid cic nghiém ctia phuong trinh cos 10092 — cos 1008z = 0 vdéi
0 < 2 < 7. Tinh téng S = cosx; + cos Ty + - - - + COS Ty,.

(A)o. —%. @—Z. D) 1.

~ 1 1-—
Cadu 37. Goi S la tap hgp cac nghiém ctia phuong trinh V1tcoset VI - cose = 4sinx trong
cos x

var+y+z=m7

khoang (0; 7). Tong cac phan ti cia S 1a

82/97 B Th.S Pham Hung H&i - 8 0905.958.921



https://www.facebook.com/ThayHaiToan.Mathematics/
https://www.facebook.com/ThayHaiToan.Mathematics/

Chuong 1. HAM $& LUONG GIAC - PHUONG TRINH LUONG GIAC  Gido Vién Pham Hiing H&i Chuyén Ton 10 - 11 - 12 & LTBH

y J J J
T 137 A7 8T
15 ® T 15 15
Cdu 38. Tim tat ca cac gia tri clia tham s6 m dé phuong trinh 2sin® z 4 3sin 2z — (m + 2) cos®> x = 3
c6 nghiém trong khoang (—%; %)
(A)m <4 B)—2<m<1. (©-12<m<0. (D) 12 <m < 4.

Cau 39. Tim tat ca cac gia tri clia tham s6 m dé phuong trinh cos2z + 3sin?z —3m +1 = 0 c6

nghiém trong khoang (0; g] .
@me[g;l). me(—g;l]. @mé[—%;l). @mé(%;l]

Cd&u 40. Tim tat ci cac gia tri ctia tham s6 m dé phuong trinh sin 2z 4 /3 cos 2z = 3m — 2 ¢6 nghiém
trong khoang (—g; 0)

@0§m<§. B)0o<m<

342 342
©0§m<\/—3+ . @ogmg\f; .

L W~

( BANG PAP AN

1. BJ||2. C||3. B ||l4 A |5 DJ6. C 7. B8 DIJ9. D J[10. A
11. A ||12. B |[13. D ||14. C |[15. B ||16. C [|17. D ||18. A |[19. B |[20. C
21. A ||22. C ||23. D ||24. B ||25. B ||26. D ||27. D ||28. B ||29. C ||30. D
31. C |[32. B |[33. C |[34. D |[35. B ||36. B ||37. A ||38. C ||39. D [[40. C

Noi Pau Cé Y Chi & P6 C6 Con Pudng

o
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Bar12. PHUONG TRINH LUGNG GIAC CHUA THAM

sO

_NHAN BIET - THONG HIEU

Cdu 1. Diéu kién dé phuong trinh cosz = m c6 nghiém la
(A) |m| < 1. B)m < 1. ©m<1. D) -1<m<1.
Cdu 2. Diéu kién dé phuong trinh sin 2z = m c6 nghiém 1a

(A) Jm| < 1. B -L<m<l ©)-2<m<2. D -1<m<1.

2 -2
Cdu 3. Diéu kien dé phuong trinh sin? 2 = m c¢6 nghiem 1a
(A)|m| < 1. Bo<m<1. (©m>0. D) -1<m<1.
Cdu 4. Diéu kien dé phuong trinh 5 cos? 3z = m ¢6 nghiém la

@OSmS%- B -~ <m< . ©o<ms<

] =
©
@]
A\
3
A\
(@

‘g Cau 5. Tim m dé phuong trinh 3sin 2z + mcos 2z = m + 2 nhan r = % lam nghiém.

O @mzl. B)m=—1. @m:O. @mz—?.
C .

= Cau 6. Tim m de phuong trinh sin 5z + cos 5z = m — 1 vo nghi¢m.

- @[m21+\/§ [m>1+\/§

E m<1-v2" m<1—+2"

o ©1-v2<m<1+v2 Dv2<m< V2.

B- Cau7. Tim tit ca cac gié tri ctia m dé phuong trinh sin 2z 4+ 2m = 3 nhan x = % la nghiém.
7] 3
I-E @mzl. m:—l. @mz:l:l. @mzﬁ.
5 Cdu 8. Tim tat ca cac gia tri cia m dé phuong trinh 2sinz + 1 = m c6 nghiem.

(A)-1<m<3. B -2<m<2. (©o<m<2. D) -2<m<-1.

Cau 9. Tim tat ca cac gia tri clia m dé phuong trinh cosz + 2m — 1 = 0 vo nghiém.

@m>1. m<0. ©m<0 @Ogmgl.

m>1

Cdu 10. Tim tét ca cac gia tri ctia m dé phuong trinh 3sin?2z —m = 0 c¢6 nghiem.

(A)—3<m<3. B -1<m<1 ©o<m<1. D)o<m<3.
Cau 11. Tim tat ca cac gia tri ciia m dé phuong trinh sinz 4 cosz = m ¢6 nghiém.

(A)—2<m<2. B -1<m<L ©-—v2<m<v2  (Do<m< V2
Cdu 12. Tim tét ca céc gia tri cia m dé phuong trinh /2 sin? (ac + %) = m ¢6 nghiém.

A -v2<m<v2. B -1<m<l. ©o0<m< Ve D -1<m<V2
Cadu 13. Tap xac dinh ctia ham s6 y = sin 2z + m.

(A) D =R. D:R\{g+k2w,kez}.

(©)D =R\ {kr,k € Z}. (D) D =R\ {k2m,k € Z}.

Cau 14. Tim tap hop tat ca cac gia tri thuc clia tham s6 m dé phuong trinh sin 22 = m c¢é nghiem.

@mGR. (B) m e (1; +00). @me (—o0; —1). (D)m e [-1:1].
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Cau 15. Tim tap hop tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh tan? 2z +2tanz —m = 0
c6 nghiém.

@mER. Kh()ng ton tai m. @mZ—l. @mZO.

Cdu 16. Tim tap hop tat ca cac gia tri thic clia tham s6 m dé phuong trinh sin 2018z 4-cos 2018z = m
¢6 nghiém.

(A)m e [-1;1]. ®)m e [-2018;,2018]. (©me [-v2v2]. Dme[0;v2].

+tan’x = m

Cau 17. Tim tap hop tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh —
cos?x

nhan x = % la mot nghiém.

@mzl. m:2. @m:3. @m:g.

Cdu 18. Tim m dé phuong trinh 2sinz + mcosz = m + 1 ¢6 nghiem.

2 3 3 )
m < —. mZ—. m< —. @mg—.
3 2 2 2
Cdu 19. Tim m dé phuong trinh 5 cos 3z + msin 3z = m — 2 vo nghiém.
- 21 G - 21 < 29 - 21
m< m T m< m T

Cau 20. Tim m dé phuong trinh 2sin(7x + 33) = m — 3 ¢6 nghiem.
(A)1<m<5. B)2<m<4. ©1<m<s. D)2 <m<4.
inxr —m

~ T 2 N S . c N
Cadu 21. Gia tri ciia m dé phuong trinh ———— = 0 ¢6 nghiém la
cos T

(A)m < 0. B)m ¢ {-1;1}. (©mel-1:1] D)m e (~1;1).
CAu 22. Tim m dé phuong trinh (m — 2) cos 5z = m ¢6 nghiém.

®m<1. B)m<1. @m;éQ. @m<0.

Cau 23. C6 bao nhiéu gia tri nguyen ciia tham s6 m dé phuong trinh sin?2018z =

2(7)7;7 ¢6 nghiém?

(A)2015. (B) 2016. (C)2017. (D) 2018.

CdAu 24. Biét ring diéu kien ctia tham s6 m dé phuong trinh sina + (m — 1) cosz = 2m c¢6 nghiem
la m € [a;b]. Tinh ab.

®-3 = ©-3 o

Cdu 25. Tim tét ca cac gia tri ciia m dé phuong trinh /2 sin (a: + %) = m c6 nghiém = € (0; g)

(A1 <m< V2 B -v2<m<v2 (©)-1<m<1. D)o<m< V2

Cdu 26. Tim tat ca cac gia tri clia m dé phuong trinh (2m — 1) cosz = mcosx — 5 ¢6 nghiém.

@ | ™26 (B) -4 <m<6. ©m< —4. (D) m > 6.

m< —4
Cdu 27. Tim tat ca cac gia tri ctia m dé phuong trinh sinz + mcosx = 1 — m vo nghiém.
@m>1. m<—1. ©m>0. @m<0.

-~ . o ) ? .. l+sinzx ) )
Cdu 28. C6 bao nhiéu gia tri nguyén ctia m dé phuong trinh _t— = m ¢6 nghiém?
cos T

(A)o. ®) 1. (©)2. D) 3.
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Cdu 29. Biét tap hgp cic gia tri cia tham s6 m dé phuong trinh (m+2) sin 2 4+m cos z = 2 v nghiém
la khodng (a,b). Tinh S = a + b.

(A)S=0. B) S =2 (©8=-1. D) s =-—
Cdu 30. Tim tat ci cac gia tri clia m dé phuong trinh cos?z — (3m + 1)cosx + 6m — 2 = 0 ¢6
nghiém.

@mE[O;l]. meg;l] @me[o;g] @me[——,?)]

Cdu 31. Tim tat ci cac gia tri ctia m dé phuong trinh sin?z — (m + 1) sinz + 3m — 6 = 0 ¢6 nghiem
€ (0;m).
(A2 <m<3. B)2<m<3. ©o<m<1. Do<m<1.
Cdu 32. Tim tat ca cac gia tri cia m dé phuong trinh 2 cos? x — (m + 2) cosx + m = 0 ¢6 ding hai
nghiém z € [O; g}
(A)m € (0;2). (B)m € [0;2]. (C©)m € [0;2). (D)m € (0;2].
Cdu 33. Tim tap hop tat ca cac gia tri thuc clia tham s6 m dé ham s6 y = v/m + sinz xéac dinh véi
Vzr € R.

@mZO. (B) m e R. @le. @me[—

0 Cadu 34. Tim tap hop tat ca cac gia tri thuc ctia tham sé m sao cho phuong trinh cosz.cos 3z =

m + 5 Cos 4z c¢6 nghiém.

@me[—l;l]. (B) m e R. @me[_—l;ll @me(—

22

Cadu 35. Tim tap hop tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh 3 sin® 2z + 2m sin 2z +
T
3m+2=0nhan z = 1 + k27 la nghiém.

@m:—l. m:%Q. @sz. @mzl.

Cdu 36. Tim tap hop tat ca cac gia tri thuc cta tham sé m dé phuong trinh /3 sin 2z + m cos 2z = 2
¢6 nghiém.

(A)m e [-1;1]. B)m>2—/3.

@mz 1. @me (—o0; —1] U [1; 400).

o e . o ) L 2 . sinz +2cosz+1
Cadu 37. Héi ¢6 bao nhiéu gia tri nguyén ciia tham s6 m dé phuong trinh m = — co
sinz — cosx + 2

Gv Ths: Pham Hung H

nghiém?
g@ 2. 3. (©)4. D).

Cdu 38. Chof(z) = 2sinx +m + 5. Tim tap hgp tat ca cac gia tri thuc ciia tham s6 m dé gia tri 16n
nhat clia ctia ham s6 bang 2018.

(A) m = 2010. (B) m = 2011. (C©)m = 2012. (D) m = 2013.

- VAN DUNG CAO

Cau 39. Tim tat ca cac gia tri cia m dé phuong trinh sau c6 nghiem:

sin® z + cos® x = m(sin* 2 + cos* ).

I/\
wloo

@ B)me (—oo;l]U(%;—i—oo).
© @%Smsl.
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Cau 40. Tim diéu kien ctia m dé phuong trinh sin?z +cos 22 = m c¢6 nghiém trén doan [—% %]

(A)m < 1. Bo<m<1. @nggl. @nggé.

Cdu 41. Tim m dé phuong trinh sin x + cosz = m + sin 2z c6 nghiém.

) ) D D
Wm< 7. Bim>7. ©-viti<m<y @-vZI-1<m<.
Cdu 42. Tim m dé bat phuong trinh sinz + cosz < m + sin 2z ¢6 tap nghiem la R.
) )
@mzz. m>1. @mZ—\/ﬁ—l. @mZﬂ—l.

Cdu 43. Tim m dé phuong trinh sin® x + cos 2z 4+ m cos® = 0 ¢6 nghiém trong khoing (0; %) .
(A)m € (-2;—1). (B) m € (~2;0). (C©)m e (—o0;—1). (D)m e (1;2).
Cdéu 44.3Ch0 phuong trinh: cos2z — (2m + 1) cosx +m + 1 = 0. Tim m dé phuong trinh c6 nghieém
T 3m
ve (2 2 )
(A)—1<m<0. B) -1<m<0. (©-1<m<0. D) -1<m<1.
CdAu 45. Cho phuong trinh sin? 4z + (m? — 3) sindz +m? — 4 = 0 (m la tham s6). Tim m dé phuong

3
trinh da cho c6 dung 4 nghiém x € {g, 27Ti| .

(A)—2<m<2. B)—2<m<2 ©m=2,m=-2. (D) -2<m<2
Cdu 46. Tim tat ca cac gia tri ctia m dé phuong trinh 4 cos? Qx 4 cos2x—3—3m = 0 c6 nghiem.

@me(—%;g). me[—g;g] @me +oo} @E(—oo;g].

Cdu 47. Biét tap hop céc gia tri ctia m dé phuong trinh msin? x + 2 sin 2z 4 3m cos? z = 2 ¢6 nghiem oO
la doan [a;b]. Tinh gia tri ctia biéu thitc T = a + 3b. e

D6 C6 Con Puong

8 4 8 L

@ng. B)T =3 @ng. @ng. O

Cdu 48. Tim tat ca cac gia tri cia m dé phuong trinh sin® z + cos® z = m c¢6 nghiem. \\;
1

@mG[O;\/ﬁ]. (B) m € [0;1]. @me[l;ﬂ]. @meh;l]. O

au

Cau 49. Tim tat ca cac gia tri ciia m dé phuong trinh 2sin® 2z — 3sin2z +m — 1 = 0 ¢6 ding hai «
nghiém = € [0' %]

@me( 17) (B) m e (1;2). @me 2—} @me{Q —}

Cdu 50. Tim tat ca cac gia tri cia m dé phuong trinh cos?x + (m — 4)cosx — 2m + 4 = 0 c6 ding
hai nghiém z € [—g; 2#} .

Noi b

3 3
(A) |3 . 3 . ©1<m<?Z, D1<m<=.
—<m<3 —<m<3 2 2

2 2
Cdu 51. Tim tat ca cac gia tri cia m dé phuong trinh 2 (sin® 2 + cos* ) + cos 4z + 2sin 2z +m =0

c6 it nhat mot nghiem z € [0; —1.
1 10 1 8 4
@me[—g;l] me[—g;—Z]. @me{—g;O] @me{—— ]

Cdu 52. Tim tap hop tat ca cac gia tri thyc clia tham s6 m dé phuong trinh (1 —m) tan?z —

cos T
1+ 3m = 0 c¢6 nhiéu hon mot nghiem thuoc khoang (O; g)
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m <1 1<m<1 m <1 lémél
- S © 1. RS
"7 m# g "7 m# s

Cadu 53. Cho phuong trinh chita tham s6 thiyc m
(m —2sinz) (msinz — 2) = (mcosx — 2) (m — 2cos x)

Khi m # 0, phuong trinh da cho ¢6 bao nhiéu nghiém nam trong doan [207; 257]?
A) 3. (B) 4. (©)s. (D) 6.

Cdu 54. Tim tap hop tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh

m cos (9; —x) + (2m — 1) sin(7m — x) + 5m — 7 = 2 cos (x— %T)

)
¢6 ding mot nghiém thuodc [—%; %] .

. b 5

5 m=" =1 =1
5 Bm=7 4. ©dr t u @3yt

O 4

=0 — <m< — — <m< —
- 13 7 13 7

O) Cdu 55. Tim tap hop tat ca cac gia tri thire ctia tham s6 m dé phuong trinh cos? z—2m cos z+6m—9 =

c T T
3 Oconghlemx€< 2;§>.

- 3 3
c (A)m =2. B J<m<2 ©§<m§2. D)m<2.
-g' Cdu 56. Tim tap hop tat ca cac gia tri thue ctia tham sé m dé phuong trinh
ﬂ... 4 (sin4 x + cos’ x) —4 (sin6 z + cos® x) —sin?4z =m
(72}
|'E ¢6 nghiém.
-9 -9 -9
>  (Am<—. B — <m<1. C©m>1. D) — <m<L
(D 16 16 16
CdAu 57. Tim tap hop tat ca cac gia tri thuc ctia tham sé m dé phuong trinh sin* x + (sinz — 1)4 =m
¢6 nghiém thudc khoang [% g]

1 1 1
(A)m<1. mzé. ©§§m§1. @§<m§1.
Cadu 58. Tim tap hop tat ca cac gia tri thuc ctia tham sé m dé phuong trinh

sin2z — 4(sinz — cosz) —m =0

c6 nghiém.
(A)m <4v2— 1. B)m<4v2—1.
©m>-4v2-1. D) -4v2-1<m<4y2—1.

Cau 59. Tim tap hop tat ca cac gia tri thuc clia tham s6 m dé phuong trinh

sin 2z — (2m 4+ V2)(sinx + cos ) + 2mvV2+1 =0
. . 7r
¢6 ding hai nghiém thudc ( Z)

i§<m§1. m§ m>_—2 m>1.
® 5

' )
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Cau 60. Goi a,b 1a cac sd dé phuong trinh 2? + 5 = 2[z — 2cos(ax + b)] ¢6 nghiém. Tinh téng

T'=a+b. L

(A)T = k2r. (B) T = kr. © 7T =+ k2. @T:?W.

( BANG DAP AN )

1. A2 D3 B4 D5 A 6. B ||7. A& A 9. C|/10. D

11. C ||12. C |[13. A ||14. D |[15. C |[16. C [|17. C ||18. C [|19. B [[20. A

21. D ||22. B ||23. D ||24. A ||25. A |[26. A ||27. D ||28. C ||29. D |[30. C

31. A |[32. C |[33. C |[34. C |[35. A ||36. D ||37. C ||38. B ||39. D [[40. C

41. D ||42. A ||43. A ||44. A ||45. C ||46. B [|47. B [|48. D [|49. C ||50. B

51. B ||52. B [|53. C ||54. D ||55. C ||56. D ||57. C ||58. D ||59. A [|60. C o
c
Q
=)
n]
C
o
O
‘O
O
‘O
n]
O
A —
L
O
>
‘O
O
-
O
n]
0
=z

o
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X A2
Bar13. DE KIEM TRA
-DESO 1
- : 1 :
Cadu 1. Phuong trinh sin 2z = 3 c6 tap nghiem la
@S:{1+kw5—”+kwkez}. B S= {%Hm ke,
T
©)s = { +hr, keZ} . @S={1—8+k§,kez}.
Cdu 2. Tap nghiém ctia phuong trinh 2cos3z +1 =0 la
2 2
@A) S = {:I:7T+k—k Z} S:{ §+k2wkez}
2
©)s = {i +k7rkeZ} @Sz{igwg,kez}
~ . in 2
Cadu 3. Tap xac dinh ctia ham s6 y = BT gy
1 —cosx
= (A2 =R\{k2r,keZ}. (B) 2 =R\ {r + k2, k € Z}.
O T
T @.@:R\{k§,kez}. (D) 2 =R\ {1}.
O
C  CaAu 4. Gia tri nhé nhét cta ham sé y = 1 + /3 sin? (:c— E) 1a
Ve | 3
T AL B) 1+ 3. ©1-V3. D) V3.
~ 2 Z Z Z 2 1
CE,. Cdu 5. Tong cua gia tri 16n nhat va nhé nhat ctia ham s@y:—§—§sin3a} la
L 4 4 5
£ @t ® 4 ol © -1
3 3 3
2 Cdu 6. Tap nghiém ctia phuong trinh 2sin® z + 5sinz +2 =0 la
'; (A)S = {——+k7r 76 +k7r,k€Z}. S:{—%M%%ﬁwzn,kez}.
O ©s- {——+k:37r i +k37r,keZ}. DS = {—f KD keZ}
6 6 276 2’
1
Cdu 7. Giai phuong trinh tan(3z — 30°) = ———.
p g ( ) \/3
(A)z = k60°, k € Z. (B) z = 60° + k180°, k € Z.
(C)x=60°+k60°,k €Z . (D) z = 30° + k60°, k € Z.
Cadu 8. Giai phuong trinh sin 3z = sin .
@azzlm,xz%—kk%,kez x:g—i—km,kEZ.
@l’:kQﬂ',k‘EZ. @x:k:Qﬂ,x:g-l-kﬂ,keZ.

Cdu 9. Tim chu ky tuan hoan ctia ham s6 y = cot z.
e BT ©n. © -
2 3
Cadu 10. S6 nghiém thuoc doan [—g; %] ctia phuong trinh sin 2x = 0 1a
(A)1. B 2. (©)s. D) 4.

Cadu 11. S6 nghiém ctia phuong trinh sin (2x + - ) = —1 thudc doan [0; 7] la

(A) 4. ®) 3. (©)3. D) 1.
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Cadu 12. Biét tap nghiém ctia phuong trinh 2 cos 2z cosz = 1 + 2sin 2z sinx c6 dang

S = {+ar + kbr} v6i a,b € Q.

Tinh 3a + b. .
(A)1. ® 3. (©)-1. D)o.
. . 1
Cdu 13. Tim tap xac dinh ctia ham s6 y = T )
(cos - — 3) (tanx — \/§>
2
A2 =R. B 2 = R\{ +k7rkeZ}
© 2= R\{ +kr k€ L}, D2 = R\{ Stk T +k;7rk:€Z}
Cadu 14. Giai phuong trinh cos?2x + cos 2z — ; =0.
O
@xz:l:%Jrlm,kEZ. xz:l:%+k7r,k:eZ. -
2 ™ e
@x:i?Jrlm,kEZ. @m:ig+k2w,kez. 5
Cdu 15. Biét tap nghiém ctia phuong trinh (2cosz — 1)(2sinz + cosz) = sin2r — sinz ¢6 dang ‘2
{am + km, £br + k27, k € Z} v6i a,b € Q. Tinh a + b. o
F ® Z L i O
T: "4— 1b—1$ +b= N N S
a co: a = 1 3 a =13 (@)
Cau 16. Tap nghiém ctia phuong trinh v/2sin 3z — v/2 cos 3z = —1 la 8
@A) S = { +k2m, k€L B S = { S kez}.
k2r 177 k2n 5 177 -0
T
S:{— , k Z}. 5 = { k2 k2, k Z}. =
@ 36+336+3€ @ —|—7T12—|-7T€ 6
Cadu 17. Trong cac ham s6 sau, ham s6 nao 14 ham s6 chén? >
@y:sin?mc. y:xcosx. @y:cosxtaHQx. @y:tanxsinm. \O
Cdu 18. Trong cac phuong trinh sau phuong trinh nao c¢6 nghiém? (@)
1 1
@\/gsinxzz 1008490—5 g
¢
(C)2sinz + 3cosz = 1. (D) cot?z — cotz + 5 = 0. QR
Cau 19. Cho cac phuong trinh: (1) cosx = /5 —+/3,(2) sinx = 1 —+/2, (3) sinz + cosz = 2. Nhing O
phuong trinh vo nghiém la -
w . (2). ©e). D) va (2.
Cdu 20. Tim m dé phuong trinh sin 2z + cos 2z = % ¢6 nghiém.
(A)—2v2 < m < 2V2. (B)m < —2v2,m > 2v/2.
©1-vV2<m<1+V2. Do<m<2

Cdau 21. S6 diém biéu dién nghiem ciia phuong trinh 3 cot x +v/3tanz — 3 — /3 = 0 trén dudng tron
lugng giac 1a

(A)2. ® 3. (©)4. (D)o.

N 2—-1
Cdu 22. Tap nghiém clia phuong trinh v/3sinz cosz — sin?z = \/_2 la
@S:{1+ gZM keZ} B S= { +/~c777 +k7rkeZ}
e } _{ T 77'(' }
(©)s = { + k2, 24+k27r7kEZ . D) s = TREET 24+/<:3k:eZ
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~ 4
Cadu 23. Tap nghiém ciia phuong trinh cos ?:c = cos’x 1a

2
S = {lm,i%ﬂ +k2w,if Lkom ke

A)S = {k:67r,i—g kb, 2T 4 kG k € Z} .

s o7
@S—{k?m i4+k2 :t4 +k2 keZ}

D) S = {k?ﬂr, + 7 4 ke, :I:%W

1 +k7r,k:€Z}.

Cdu 24. Tap gia tri clia ham s6 y = 3sin®z + 4sinz cosz — cos?z + 1 1a

(A)[0;2] .
©[-2vZ+22v2+2].

. Vay tap gié tri ctia ham s6 14 T' =

—V2-1v2-1].
D [-v2v2+1].

[—2v2+2;2v2+ 2.

Cau 25. Gis trl 16n nhat va gia tri nhé nhat ctia ham s6 y = 3sin® z + cos 4z lan lugt 1a

@4 va ——

. D
3va 1T

(©)3va —5 (D) 4 va —5.

Cau 1. Tap xac dinh ctia ham s6 y = cot (2:v + g) 1a

A 2 = R\{ +kr k€ Z}.

© 2= R\{—z+— keZ}

@:R\{—%Jrkmkez}.

Cadu 2. Gia tri 16n nhat ctia ham s6 y = 2 — 4 cos 2z 1a

(A)2. 3.
Cau 3. Giai phuong trinh cos (295 - g) = —?.
T
x=-—+km
(A) 12 (k€).
T=—7 + km

@x:i%—l—k‘ﬂ(/{GZ).

!

5

@x =~ 4 arctan (1) +kn, (k€ Z).
12 4 ’

1
@x =—— —|— §arctan (2) + km, (k € Z).

Cdu 4. Giai phuong trinh tan (2.15 + E) =

D 2 = R\{—f+k kez}
327
(©)s. D) 6.
I
r=—+ k27
12 (keZ).
x:—z—l—k;27r

@xzi%+k2w(1er).

1 1 km
x = _E + §arctan(2) + o (keZ).
1 km
@x = —E + arctan (é_l) + > (keZ).

Cdu 5. S6 nghiém ctia phuong trinh tan (3:1) — %) = tan 2z 1a

(A)o. ®) 1.

Cdu 6. Giai phuong trinh 2cos? x + cosx — 3 = 0.

= k2w

@ [x:7T+k27T(/€€Z).

@xzﬁ—}—kZW,(keZ).

(©)2. D) 3.

I = arccos (—§) + k27
2 (k € 7).

x = k2w
@x = k2m, (k € Z).
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V' J J J
Cdéu 7. Tap nghiém ciia phuong trinh 3sin 3z — v/3cos 3z = V6 la
St km 11w  km ot km 11w km
S = { — —+—,k € Z} S = { —, =+ —,k Z}.
@ 2 36 + 2 3 36 * 3 <
57r k2w 117r k2m 117
S = { , ko€ Z} S = { k2 k2w, k € Z}.
© 336 @ 3 © TR e T
Cdu 8. Giai phuong trinh cos (Qx + %) + cos (SL’ — %) =0.
-x 1 n km -x Rt n k2w
@ 36 3 (keZ). 36 3 (keZ).
_ _19_7T + k = —19—7T + k27
T T T
r 117 i 11 k2«7
O e, e o e e
T =—— + k2 xr = + km
B 12 ST o))
- . T V3 cC
Cadu 9. SO nghiém ctia phuong trinh sin (2:75 - g) = thudc khoang (0;27) 1a lg
(A)1. ® 2. (©)s. D) 4. Q
- L 1 . c
Cadu 10. Cho ham s6 y = %. Hay chon ménh de sai? o)
(A) Tap xac dinh clia ham 6 1a 2 = R\ {kx}, (k € Z). O
Ham s6 14 mot ham tuan hoan chu ki 1a 27. 8
(C)Ham s6 tang trén tap xéc dinh cia no. \O
(D) La mot ham sb 16, ()

~ . . T 2r . N R
Cdu 11. Ham s6 y = sin B + cos 3 tuan hoan, chu ki tuan hoan la

(A)T = 3n. (B) T = 6. (©T=or D) T = 12n. 6
Cdu 12. Gi4 tri nhé nhat ctia ham s6 y = v/3sinz — cosz + 2 1a >

(A)o. ®) 4. (©) -2. D) 1. ‘0

Cau 13. Tap nghiém ctia phuong trinh sin 7z — sin 3z = cos 5x 1a (:),
%8 k km 5 k
@S—{—+lm + km, — +lmkeZ} S={1+—W,1+—W,—W+—W,kez}. «O
12 12 3712 2712 2 Q
T kmow o m km w km bm  km
=9—+—,—+km,— +kn,k Z}. { — Y — 4+ —, —+—k Z}, e
©s {10+5 PR TR Os=\p+TntTEtahe 0
~ Z Z 2 Z
Cdu 14. Tim tat ca cac gia tri clia tham s6 m dé phuong trinh 2cos?x + 4msinzcosz = m cb
nghiém.
2 2
@m<—§. mg—ghoécmzo.

Cdu 15. Giai phuong trinh 2sin® z — 3sin 2z + cos? z = 2
> - ‘

m

@ x—2+k7r (kez) x—2+k27r (ke
x = arccot(—6) + km x = arccot(—6) + km
i T km ] T km

©|" 2732 (ke Z). o""273 (k € 7).
| = arccot(—6) + k7 | = arccot(—6) + kn

N in 3 3 2
Cdu 16. Phuong trinh SIOT | COSOT ‘ c6 nghiém 13

cos2x  sin2x sin 3x B
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13. P& kiém tra

@xz%—i—k%r (k € 7).

™

x-——!—

Cau 17. Tap gia tri clia ham s6 y =

@ [-vz2.

®
C)

3sinx +cosx + 1
cosz + 2

(keZ).

3

3—2V7 34+2V7
o=,

©

Gido Vién Pham Hing H&i Chuyén Todn 10 - 11 - 12 & LTBH
m

r=— + keZ
T3 " (k).

ngww,(/@ezy

I

V2 v2).

[1—2ﬁ‘1+2ﬁ]
3 3 |

Cdu 18. Giai phuong trinh sin® x — cos® 2 = sinz + cos z.

@ngJrlmr,(k;eZ).
@xz%—l—lﬁr,(kEZ).

C)

x:ngkw,(keZ).
x:%-l-k‘ﬁ,(keZ).

Cau 19. Nghiém ctia phuong trinh cos 5z + cos 4z + cos 22 + cos x = 0 ¢6 s6 ngon cung biéu dién len
dudng tron luong gidc duge bao nhiéu diém khac nhau?

A) 3. 6. (©)o. D) 12.
Cdu 20. Giai phuong trinh v/3 cos 2z + sin 2z = 2sin z.
- T r 7r
O 3 3
— @ 2 k2w (k € Z) 2t kmw (k € Z).
o) """ SR
= v=g -tk =gtk
L @ 2n kw (k € Z) @ 2t k27w (k € Z).
= "7 9 T3 "9 T
O Cau 21. Phuong trinh sin? 3z — cos? 4z = sin? 5z — cos? 6z ¢6 nghiem La.
E - T T . 7 T
= _— — k_ = _— = _—
i B Rken) 2 (kez). ©]  F.kez. @)  G.keD)
c _(E - § z=knm _fI/' = Z xr = g
— xr m
. = — I3
5 18
(A)1. B 2. (©)3. (D) Vo 6.
N . 1
Cadu 23. Nghiém duong nhé nhat ctia phuong trinh cos 7 (x2 + 2z — 5) = sin(nz?) 1a
V3+1 V241 \/5 -1 \/§ -1
Cadu 24. Cho phuong trinh msinz + (m + 1) cosz = . Tim cac gia tri cia m sao cho phuong
Cos T
trinh da cho c6 nghiém.
m >0 m >0
—4 0. . - —4<m<0.
@ =ms m < —4 @ m< —4 @ ==
sin® z + cos® = ) _
Cdu 25. Tim tat ca cac gia tri ctia m dé phuong trinh — 5 = 2m.tan2x c6 nghiém?
cos? x — sin“x
@m<—2hoéem>2. m<—1h0acm>1
1 1 1
m<—§hoacm>§ @m<—1hoacm 1

-pESO 3

Cdu 1. Tim chu ki tuan hoan 7" ctia ham s6 y = sin(x + ).

e
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V' J J J
(AT = . T:%. © 7T =2r. @T:g.

Cdu 2.
Cho ham s6 y = f(x) ¢6 do thi nhu y
hinh vé. X4ac dinh chu ki tuan hoan

T ciia ham s6 nay. /\ 1 3
(AT = B) T =2n. oz § x /
©r= g DT = %. - 1 & a x

N ANV

Cadu 3. Cho ham s6 y = sinz. Tim ménh dé ding.

SJE]

@ Ham s6 dong bién tren (—5; 7). Ham s6 dong bién tren (0; 7).

@ Ham s6 nghich bién trén (0; ). (D) Ham s6 nghich bién trén (—;0).
Cdau 4. Cho ham s6 y = tan(z + §). Tim meénh deé dang.

(A)Ham s6 déng bién tren R. Ham s6 dong bién trén (—3; 7).

@ Ham s6 dong bién tren (—3T; ). @ Ham s6 dong bién tren (0;5).

Cau 5. Tim gi4 tri 16n nhat M clia ham s6 y = 3 — 2sin 2x.
(A)M =5 B M =3, ©M=1 (D) M =6.

Cadu 6.
Biét do thi trong hinh vé 14 d6 thi clia mot trong y
bén ham s6 & cac lita chon A, B, C, D. D6 1a ham
sO nao?

(A)y = 2sinz. \ a 0O

D6 C6 Con budng

Yy = 2cosz.
@y — Sin 2x t t t t t t x

-2 -1 O 1 2 3
(D) y = cos 2x. _ \ >

) O
il -
Céu 7. Hay chon bién déi dng (k tuy § thuoc Z). ‘g
@sinxzoﬁx:kﬂw. cosx:0<i)x:—§—|—k7r. —
@COS:U:1¢>ZE=7T+]€27T. @sinx:—l(:)x:—g—f—lm. 2
CdAu 8. Hay chon bién ddi ding (k tuy ¥ thuoc Z).
) ) r=a+ k2r r=a+ k2r
@smxzsma(:) . (B) cosz = cosar < :
r=—a+ k2w r=m—a+ k2w
r=a+k2r
@sinx:sina(:) [x:—a+7r+k:27r' @tanx:tana®x2a+k2w.

CdAu 9. Tim tap xac dinh Z clia ham s6 y = tanz +

sinz’

(A) 2 =R\ {kr |k € Z}. QzR\{nglm‘keZ}.

@9:]1%\{%‘/{62}. (D) 2 =R\ {k2r | k € Z).
Cdu 10. S6 nghiem thuoc [0;27) clia phuong trinh sinz = % la

2. B 1. (©)s. (D) 4.
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13. Pé kiém tra Gido Vién Pham Hing H&i Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J
Cau 11. Tim gia tri nhé nhat m clia ham s6 y = 3sin®z — 2 cos? .
@m:—5. B)m=1. @m:?). @m:—

Cdu 12. Tim chu ki tuan hoan T ctia ham s6 y = sin® 2 — 2 cos? x.

(AT =2r. B T=r © T =4r. @T:g.

Cdu 13. Phuong trinh sin? z = 2 cos? z ¢6 bao nhiéu nghiém thuoc doan [0; 47]?
(A)12. (B) 4. (©)8. (D) 6.

Cau 14. Phuong trinh 4 cos? z — 8sinz — 7 = 0 tuong duong vdi

1 1 2+v11
cosx:—§ sinx = —3 @ . 1 @ cosx:T
. . sing = ——. .
(30596——§ ; \/§ 2 2+ v11
- 9 SIH.T_T Cosx:—Q

Cau 15. Cho phuong trinh 2 4+ 2sin 2z + sinx — cosx = 0. Dat ¢ = sinz — cos z, ta thu dugc phuong
trinh nao?
(A) 2+t =0, (B)2+22+t=0. ©—22+t+4=0. (D) -22+4t+2=0.

Cadu 16. Cho phuong trinh tan . tan 2z = —1 ¢6 tap nghiém 7. Hay chon nhan xét dung vé phuong
trinh nay.

‘:5_:5 @ Phuong trinh v6 nghiém. G E = { + k2w ’ ke Z} la tap con cua T

o ©r= {——+k27r‘keZ} DT = {” )kez}

5

, -~ 2 ~ 2 P Z 1

== Cdu 17. Bieu dién diem ngon ctia tat ca cung c6 so do la nghiém ctia phuong trinh cos 2z = —3 ta
dugce

(A)hai diém déi xting nhau qua truc hoanh.

U.

L bon dinh ctia mot hinh vuong.

o R

. @tém dinh ctia mot bat giac deu.

é @ bon dinh ctia mot hinh chit nhat ma khong phai 1a hinh vuong.

S Cdu 18. Giai phuong trinh sinz + v/3cosz = 0, ta dude tit cd nghiem la

(0) @x:g-l-knr(k‘GZ). xz%-l—kw(k:GZ).
©x=g+k2w(kEZ). @xz—ngknr(k’eZ).

Céu 19. Nghiem am 16n nhét ctia phuong trinh sinz — cosz = /2 la
-2 ® -7 ©-3 -
2’ 4 4’ 4
Cdu 20. Tat ca nghiem ctia phuong trinh cos? z — 3sinz cosz 4 2sin®z = 0 1a

@x :Z—i—lm; r =arctan2 + km (k € Z).

x:%—i—lm; x = arccot 2+ km (k € Z).
@xz —%—i—lm; x = arctan(—2) + km (k € Z).
@x:%—l—lm(lﬁEZ).

Cdu 21. Tim tap hop tat ca gia tri ciia tham s6 thiyec m dé phuong trinh sin? z + sinz cosz = m ¢
nghiém.

® 2 @ A8 e @)

2 2 2 2 44

Cdu 22. Phuong trinh sin? # — sin 2z + 2 cos? z = 1 tuong duong véi phuong trinh nao?
@—Qtan:v—l—lz(). (B) tanz(—2tanz + 1) = 0.
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y J J J
@sinx(? sinz — 1) =0. @ cosx(2sinz — 1) = 0.
Cdu 23. Tim gia tri nhé nhat M clia ham s6 y = 3sinz — 4cosz + 3.
(A M =—2. (B) M = —10. ©M=2 (D) M =6.

Cadu 24. Goi M vam lan luot la gia tri 16n nhat va gia tri nhé nhat ciia ham s6 y = sin® x—2sin cos z —
3cos?z + 2. Tinh gi4 tri ctia biéu thiic M? 4+ m?.

A)o. (B) 10. (©)15. D) 12.

~ co o N N . sinx +cosz — 1
Cadu 25. Gia sit doan [m, M| la tap gia tri ctia ham s6 y =

- . Tinh S = M?+m?.
cosx —sinx + 2

(A)S =5 (B) S =4 (©S=6. @S:%.

( BANG PAP AN )

1. AJl2. AJ3. A4 A5 B 6. B [|I7. A8 A9 C]J10. C
11. D [|12. A ||13. C ||14. B ||15. C |[16. C |[17. D |[18. A [[19. C |[20. A
21. C ||22. B ||23. A ||24. C ||25. A ||1. C||2. D |[3. A4 B |5 A
6. D J|7. C ||8& B [|9. C ||10. C ||11. D ||12. A ||13. C ||14. B |[15. A
16. B [|17. D ||18. A |[19. C ||20. D |[21. A |[22. B |[23. C |[24. C ||25. C
1. C||2. A||3. A4 C|5. AJ6. A 7. B8 C]9. CJ[10. A
11. D ||12. B ||13. C ||14. C ||15. C J[16. A |[17. D |[18. D |[19. B ||20. B
21. A ||22. D ||23. A ||24. D ||25. A

Noi Pau Cé Y Chi & P6 C6 Con Pudng
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