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Truong THPT Pang Huy Tra SPT: 0935.785.115 Facebook: Lé B Bao
116/04 Nguyén Lo Trach, TP Hué& Truni tdm KM 10 Huong Tra, Hué.

Choham s6 y = f (x) lién tuc trén doan [u;b] .Goi D la dién tich hinh phang gi6i han boi d6
thi (C ) :y = f(x), truc hoanh, hai duong thing x=a, x=b (nhu hinh vé duéi day).

Gia stt S, la dién tich hinh phang D . Ménh dé nao duéi day ding?

AS, :j f(x)dx+i £(x)dr. B.s, :_E f(x)d“i £(x)d.
c.s, :j f(x)dx—i or D.s, :_E f(x)dx—j: £(x)dx.

Goi S 1la dién tich hinh phéng gioi han boi cac duong y=e*, y=0, x=0, x=2. Ménh dé
nao duwdi day dang?

A. S= ﬁjezxdx. B.S= _Z[exdx. C.S= ﬂjz'exdx. D. S= jezxdx.
0 0 0 0

Goi S la dién tich ctia hinh phang giéi han boi cac @6 thi ham s6 y = x*+3 va y = 4x. Khang
dinh nao duwdi day dung?

A. S=i‘x2—4x+3‘dx. B. S=i(x2—4x+3)dx.
1 1

C. S:i(‘x2+3‘—|4x|)dx. D. S:j-‘x2+4x+3‘dx.
1 1

Chohamsd y=f (x) xac dinh, lién tuc va c6 nguyén ham trén [—2;4] dong thoi c6 do6 thi nhu
hinh vé dui day.
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Cau 10:

, 4
Tinh I = J._Zf(x)dx
A. 1=8. B.I1=4. C I D.I=2.
Dién tich hinh phéng gioi han boi hai d6 thi f (X) -3x+2; ¢ ( ) X+2 la
A. §=8. B.S=4. C. S=12. D. §=16.
Dién tich S ctia hinh phéang giéi han béi cac duong y =2x°, y=-n, X=4 va truc tung duoc

tinh boi cong thitc nao duwdi day ?

A. Szj.(2x3—n)dx. B. S=n}‘2x3‘dx.
0 -

C.S :j.(2x3+n)dx. D.S= j‘. 2x3‘dx.
0

Cho ham s8 y = f(x). D6 thi ham s§ y = f'(x) nhu hinh bén. Dit »4
g(x) = Zf(x) +x°. Khang dinh nao sau day dtung? \

A. g(3)>5(-3)>g(1). B. g(1)<g(3)<g(-3). T ar
C g(1)<g(—3)<g(3). D. 8(—3)<g(3)<g(—1). -3\ : >

Tinh dién tich S cuia hinh phéng gidi han boi (P) y=x* -4, ti€p tuyén cua (P) tai M (2; O)
va truc Oy la

A.S:E. B.S=2. C.S:§. D.S:Z.
3 3 3

Cho hinh phang (H) giéi han béi d6 thi ctia hai ham s6 f,(x) va f,(x)
[a;b] va hai duong thang x=a, x=b (tham khao hinh vé dudi).
¥

—_—

ién tuc trén doan

0

Cong thtrc tinh dién tich ctia hinh (H) 1a

A. S:j.‘fl(x)—fz(x)‘dx. B. S:b(fl(x)—fz(x))dx.
C.S :hfl(x)Jr f, (x)]dx. D. S :j fz(x)dx—i f, (X)dx.

Cho ham s8 y=¢*, goi S, la dién tich hinh phang gi6i han béi cac duong y=e*;x=-1Lx=k
va S, 1a dién tich hinh phang gii han boi cac duong y = e*;x = k; x =1. (tham khao hinh vé).



Cau 11:

Cau 12:

Cau 13:

Cau 14:
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-2 -1 0 1 2

Xac dinh k d€ S, =S,.
A. k=|n(e+1j—ln2. B. k=2|n(e—1J—1. C.k=2In2-1. D. k=In2.
e e

Trong mat phang cho duong tron (C ) (tham khao hinh vé dudi day).

!
Dién tich phan t6 dam (lam tron dén chir s6'hang phiin tram) bang

A. 2,01. B. 2,46. C.1,81. D. 3,13.
Cho hai ham s6 y=f (X) vay=g (X) lién tuc trén doan [a;b] véoi a<b. Kihiéu S, 1a dién

tich hinh phang giéi han boi cac duong y =3f (x), y=3g(x), x=a, x=b; S, la dién tich
hinh phang giéi han boi cac duong y = f (x)-2, y=g(x)-2, x=a, x=b. Khang dinh nao
sau day dung?

A. S =2S,. B. S, =3S,. C. S, =2S,-2. D. S, =2S,+2.

Cho ham s6 bac ba f(x) =ax®+bx* +cx+d va duong thang d:g(x)=mx+n cé do thi nhu
hinh vé bén duoi:

’ JUN ’ A ALY M 1 \ A e N M
Néu dién tich phan t6 bang bang 2 thi dién tich phan gach bang

A.E. B. 2. C. 1. D.E.

2 2
Chohamsd y=f (X) lién tuc trén R va thoéa man f (—l) >0> f (O) Goi S 1la dién tich hinh
phéng gi6i han boi cac duong y = f (x), y=0, x=-1 va x=1.Ménh dé nao sau day dtng?
1 0 1
A. S:If(x)dx B.S:If(x)dx+ﬂf(x)‘dx
e 0

-1



Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

1 1
_[ f (x)dx D. S:ﬂf(x)‘dx

-1 -1

Mot san béng hinh chi nhat véi dién tich 200m*. Nguoi ta mudn trong co trén san béng theo
hinh mét parabol bac hai sao cho dinh cua parabol trung v6i trung di€ém mot canh cta san
béng nhu hinh vé bén. Biét chi phi trong cé 1a 300 ngan déng cho mobi mét vudng. Xac dinh
chi phi tréng c6 can co6 cho san bong trén?

C.S=

A. 30 triéu dong. B. 60 triéu dong. C. 50 triéu dong. D. 40 triéu dong.
Dién tich hinh phéng gi¢i han boi duong cong y =4-|x| va truc hoanh la
A. 4. B. 0. C. 16. D. 8.

Tinh dién tich S caa hinh phang (H) gi6i han béi d6 thi ham s§ y = JX, truc hoanh va
duong thang y=x-2.
A.S=2. B.S=E. C.S=E. D.S:g.

3 3 3
Mot vién gach hoa hinh vudng canh 40cm . Nguoi thiét k€ da sit dung bon duong parabol co
chung dinh tai tam vién gach d€ tao ra bon canh hoa (dugc td mau sam nhu hinh vé).

Dién tich mo6i canh hoa ctia vién gach bang

A. 800cm?. B. %cmz. C. 4—gocmz. D. 250cm?.

Cho hai ham s& f(x)zax3+bx2+cx—2 va g(x)zdx2+ex+2 (a, b, c, d, eeR). Biét rang d6

thi cia ham s6 y = f(x) va y =g(x) cit nhau tai ba diém c6 hoanh d6 Ian lwot 1a —2; —1; 1

(tham khao hinh vé).
/- \ \7 1 X

Hinh phéang giéi han béi hai &6 thi da cho c6 dién tich bang
AL B. 2. c 2. ..
6 2 2 12




Cau 20: Cho ham s8 y=x>—mx (0<m<4) c6 do thi (C).Goi S, +5, la dién tich cua hinh phing giéi
han béi (C ) , truc hoanh, truc tung va duong thang x=4 (phan t6 dam trong hinh vé bén

dwdi). Gia tri cia m saocho S, =S5, la

o /

A. m=3. B. m=—. C. m=2. D. m=

W |

HET
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Cau 1:

Cau 2:

Choham s6 y = f (x) lién tuc trén doan [a;b] . Goi D la dién tich hinh phéng gioi han boi d6
thi (C ) :y = f(x), truc hoanh, hai duong thang x=a, x=b (nhu hinh vé duéi day).

,/ ¥
.Iv
/
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!

Gia stt S, la dién tich hinh phang D . Ménh dé nao dudi day ding?

A. SDzj.fxdx+jlfxdx. B. 5D=—Tf(x)dx+}f(x)dx
C. S, —jf jf D. S, =~ f(x)dx—[ f(x)dx
Lbigidi

+ Nhin d06 thi ta thdy:

e Db thi (C) cét truc hoanh tai O(O;O)
e Trén doan [a;O], d6 thi (C) ¢ dwdi truc hoanh nén ‘f(x)‘ = —f(x)
e Trén doan [O;b], do thi (C) O trén truc hoanh nén ‘f(x)‘ = f(x)
b 0 b 0 b
+Do dé: 5, = [|f(x)|dr = [ (x) s [|f () = =] f () [ £ () dx
a a 0 a 0

= Chon dap dn B.
Goi S la dién tich hinh phang giéi han béi cac duong y=€*, y=0, x=0, X=2. Ménh dé
nao duwdi day dung?

2 2 2 2
A.S= ﬂfezxdx. B. S :jexdx. C.S= njexdx. D.S= Iezxdx.
0 0 0
, 2
Dién tich hinh phéang gidi han boi cac duwongy =e*, y=0, x=0, x=21a S= J.e"dx .
0

= Chon ddp dn B.



Cau 3:

Cau 4:

Cau 5:

Goi S la dién tich ctia hinh phéng giéi han béi cdc d6 thi ham s§ y =x*+3 va y = 4x. Khang
dinh nao duwéi day dung?

A. S:j:|x2—4x+3|dx. B. S:i(x2—4x+3)dx.
1 1
C. S:i(‘x2+3‘—|4x|)dx. D. szﬁx2+4x+3\dx.
L(‘)’igidi': l
Ta c6 phwong trinh hoanh do giao diém ctia cac d6 thi ham s§ y = x> +3 va y =4x la:

x=1

x2+3:4x<:>x2—4x+3:0<:{
X=3

3
Dién tich ctia hinh phdng can tim la: S = [|x* —4x+3[dx.
1

= Chon ddp dn A.
Cho ham s6 y = f(x) xdc dinh, lién tuc va c6 nguyén ham trén [-2;4 | dong thoi c6 d6 thi nhu
hinh vé dudi day.

, 4
Tinh = Lf(x)dx
A.1=8. B.1=4. C.I=6. D.1=2.
Loi gidi:
Ta c6 gia tri cuia tich phan I = j: f (x)dx la hiéu cta dién tich hinh thang véi dién tich tam
giac.
Tt hinh vé ta 6 hinh thang can, d9 dai day 16n bang 4, &6 dai ddy bé bang 2, chiéu cao
bang2. Dién tich hinh thang 1a 6
Tam giac can c¢6 canh ddy bang 2, chiéu cao bang 2. Dién tich ctia tam giac 1a 2
Vay 1=[" f(x)dr=6-2=4,
= Chon ddp dn B.
Dién tich hinh phéng gidi han boi hai d6 thi f (X) =x*-3x+2; ¢ (X) =X+2 la
A.S=8. B. S=4. C.S=12. D. S=16.
Loi giai:
x=0

Phuong trinh hoanh d6 giao diém ctia hai d6 thi X* -3x+2=x+2< xX*-4x=0< { P
X=x



Cau 6:

Cau 7:

Dién tich can tim

S= ﬂx —4x‘dx+ﬂx —4x‘dx_j x> —4x dx — J% x —4x :(IA_ZXJ =8.
-2 0

0 X—4—2X2 2
-2 \ 4 0
= Chon dap an A

Dién tich S cta hinh phang gi¢i han béi cac dwong y=2x°, y=-n, X=4 va truc tung duoc
tinh boi cong thitc nao duwdi day ?

A. szf(zxtn)dx. B. sznf\zxs\dx.
0 -7
C.S:i 2x3+n)dx. D.S:j.2x3‘dx.

L(‘rigidi _

4 4
Dién tich $ ctia hinh phing duogc tinh boi cong thire: S = [[2x° +afdx = [(2x° +x)dx.
0 0
= Chon ddp dn C.
Cho ham s§ y = f(x). D6 thi ham s§ y = f'(x) nhw hinh bén. Dt r}
g(x) = 2f(x) +x°. Khang dinh nao sau day dtung? \

8(3)>8(-3)>5(1)- B. g(1)<(3)<g(-3)- Vil 13

A.
C. g(1)<g(-3)<g(3)- D. g(-3)<g(3)<g(-1). :;\\f\ :
e |
T

Ta co g( ) 2f( )+2x:>g'(x)=0:>xe{—3;1;3}.
Tt d6 thi ctia y = f'(x) ta c6 bang bién thién.(Cht y 1a ham p

g(x) va g'(x)) 11
x| -3 1 3 +o0
) + o - 0 + 0 - —

£ TN, T T

Cau 8:

1 3
Suy ra g(3)> g(l) . Két hop v6i d6 thi ta co: I(—g’(x))dx > J-g’(x)dx
— 1

= Ig dx>Ig dx<:>g( ) g(l)>g(3)—g(1)<:>g(—3)>g(3).

Vay ta c6 g( 3) g(3) g(l).

= Chon ddp dn B.

Tinh dién tich S ctia hinh phang gi6i han béi (P):y=x*—4, tiép tuyén cta (P) tai M (2;0)
va truc Oy la

A.S=—. B.S=2. C.S=§. D.Szz.
3 3

.....



Cau 9:

Cau 10:

Ta co: y' =2x; y’(2) =4,
Phuong trinh ti€p tuyén cta (P) tai M (2;0): y=4(x—-2)=4x-8.
N ’ \ M N \ A 2 2 2 2
Dién tich hinh phang can tim la S =.[0 ‘X —4—(4X—8)‘dX=U0 (X —4X+4)dx‘

(x-2)'[| s

3 3

0

= Chon dap an C.
Cho hinh phang (H) giéi han béi do thi ctia hai ham s6 f,(x) va f,(x) lién tuc trén doan
[a;b] va hai duwong thang x=a, x=b (tham khao hinh vé dudi).

B 4

0

Cong thitc tinh dién tich ctia hinh (H ) la

A.S =T|f1(x)— f, (x)|dx. B. S =i(fl(x)— f,(x))dx.
C.S :_bﬂfl(x)Jr f, (x)]dx. D. S :i fz(x)dx—j f, (x)dx.

Cho ham s6 y=e", goi S, la dién tich hinh phéng gioi han boi cac duong y=e*;x=-Lx=Kk
va S, la dién tich hinh phang gi6i han béi cac duong y =€*;x =k;x =1. (tham khao hinh vé).
A y

X

y=e

2

——7

> -1 0 1 2 X
Xac dinh k d€ S, =S,.
A. k=|n(e+1j—ln2. B. k=2|n(e—1J—1. C.k=2In2-1. D. k=In2.
e e

Loi giai:

k 1
Taco S, =S, <:>J.exdx=jexdx<:>ek—l=e—ek <:>k=|n(e+lj—ln2.
° k e e

= Chon dap an A.



Cau 11:

Cau 12:

Cau 13:

Trong mit phang cho dudng tron (C) (tham khao hinh vé dudéi day).

y

| 2
AN,

1
g

Dién tich phan t6 dam (lam tron dén chir s6'hang phiin trim) bang
A. 2,01. B. 2,46. C.1,81. D. 3,13.

-----

AY \, \, \ y = 4_x2
Phuong trinh duong tron 1a x* +y* =4 < .
y=—4-x
2 2
= = 3
Xét hé phuong trinh: {x EE AR PN V3 :
y=1 x=-3

NG
Dién tich can tinh 1a S= 2_[ (\/4 -x* - 1)dx ~2,46.
0

= Chon dap an B.

Cho hai ham s6 y = f (X) vay=g (X) lién tuc trén doan [a;b] véoi a<b. Kihiéu S, 1a dién
tich hinh phang gi6i han béi cac duwong y=3f (X), y=3g (X), Xx=a, x=b; S, la dién tich
hinh phéng gi6i han boi cac duong y = f (x)-2, y=0(x)-2, x=a, x=b. Khing dinh nao

sau day dung?
A. S =2S,. B. S, =3S,. C. §,=25,-2. D. S =2S,+2.

.....

Ta c6 S, :ﬂsf (x)—3g () dx zsi\f (x)—g(x)|dx :33\[( f(x)-2)-(g(x)-2) ] ax =3s,.

= Chon ddp dn B.
Cho ham s6 bac ba f(x) =ax®+bx* +cx+d va duong thang d:g(x)=mx+n cé do thi nhu
hinh vé bén dudi:



Néu dién tich phan to bﬁmg bﬁmg % thi dién tich phan gach b?mg

A.E. B. 2. C 1. D.

2
Loi giai:
Cach 1:
Dua vao d6 thi=>duong thang d : g(x) = X +1.
Phuong trinh hoanh d¢ giao diém ctia cta hai d6 thi ham sd f (X), g (X) la

N | W

ax’ +bx® +cx+d = x+1e ax’ +bx’ +(c-1)x+d -1=0 (1)
Dua vao d06 thi ta thdy d6 thi ham s& f(X), g(X) cét nhau tai ba diém x=0,x=1x=2.
(1):ax(x—l)(x—2)=0<:>a(x3—3x2+2x)=0.
1
Dién tich phan t6 mau: ja(x3—3x2+2x)dx:1a:1:>a=2.
0 4 2
Dién tich phan khong t6 mau giéi han boi d6 thi ham s8 f (x), g(x) va hai dwong thang
2
1
=1 x=21a S =|-2(x*-3x*+2x)dx==.
x=1x=21a$ j (% —3x* +2x) dx >

1
Dién tich hinh phang gi¢i han boi d6 thi ham s g(X)=x+1,0x, x=1, x=21a S, = g :
5 1

Dién tich phan gach chéola S=S,-S§, = 273" 2.

Cach 2:

Dién tich phan khong to mau giéi han boi @6 thi ham s& f (x), g(X) va hai duong thing
x=1x=21as§,.

Dién tich phan to mau la S, = % .Dua vao d6 thi ta thdy S, =S, = % .
Duta vao d6 thi=> duwong thang d : g(x) = x+1
Dién tich hinh phang gi6i han béi d6 thi ham s3 g(X)=x+1, Ox, x=1, x=21a S, = g .
A " T 5 1
Dién tich phan gach chéola S=S,-S, = 5 3" 2.
= Chon ddp dn B.
Cau 14: Chohamso y=f (X) lién tuc trén R va thdéa man f (—1) >0> f (O) Goi S la dién tich hinh
phéng gi6i han boi cac duong y = f (x), y=0, x=-1 va x=1. Ménh dé nao sau day ding?
1 0 1
A. S:If(x)dx B. S:J.f(x)dx+.”f(x)‘dx
-1 0

-1



1
_[ f (x)dx
O
Loi giai:

D. S=hf(x)\dx

-1

C.S=

Tt gia thiét ta c6 dién tich hinh phéng can tim duwoc gidi han boi d6 thi ham s6 y = f (X) lién

1
tuctrén R, y=0, X=-1va Xx=1,nén: S = Hf (X)‘dx.
-1
= Chon dap dn D.

Céau 15: Mot san bong hinh chit nhat véi dién tich 200m* . Nguoi ta mudn trong co trén san bong theo
hinh mét parabol bac hai sao cho dinh cua parabol trung véi trung diém mot canh cta san
béng nhu hinh vé bén. Biét chi phi trong co 1a 300 ngan dong cho mdi mét vuong. Xac dinh
chi phi trong co6 can c6 cho san bong trén?

A. 30 triéu dong. B. 60 triéu dong. C. 50 triéu dong. D. 40 triéu dong.

Loi giai:

Goi chiéu dai ctua hinh ch@ nhat la m, chiéu rongla n ( m>n>0).

Ta c6 dién tich hinh chit nhat 1a S =mn =200 (m?).

Chon hé truc toa do Dé cac vudng goc Oxy sao cho dinh cua parabol 1a 1(0;7). Parabol di qua

2diém Al 20| va B[ Z.0].
2 2

Do d6 parabol c¢6 dang y = ifo +1.
m

m

? —_—
Vay phan dién tich trong co la S= 2“‘(# X+ n)dx = Zan
o\ m

Vay s8 tién trong co can la: 2—’;j”.:-;ooooo = &300.300000 = 40000000.

= Chon dap dn D.
Cau 16: Dién tich hinh phang gi6i han boi duwong cong y =4 - |x| va truc hoanh la
A 4. B. 0. C. 16. D. 8.
Loi giai:
, =4
Phuong trinh hoanh d6 giao diém: 4 - |x| =0 {x 4
xX=-
Dién tich hinh phang la.

5 =j_44\4—|x|\dx=ji|4+x|dx+j;|4—x|dx=U_°4(4+x)dx +

j04(4—x)dx‘=16.

= Chon ddp dn C.



Cau 17: Tinh dién tich S cua hinh phang (H) gi6i han boi db thi ham s§ y = JxX, truc hoanh va
duong thang y = x—-2.
10 16 22

A.S=2. B.S=—. C.S=—. D.S=—.
3 3 3

Loi gidi:

/

Hoanh dd giao diém /X = X—2 < x=4(x>0).
Jx=0x=0; x-2=0<x=2.

Dién tich S :_zﬂx/ﬂdx +_ﬂ\/;—x+2‘dx: _Z[J;dx+ j‘(\/;—x+2)dx:%.
0 2 0 2

= Chon ddp dn B.
Cau 18: Mot vién gach hoa hinh vudng canh 40cm . Nguoi thiét k€ da sit dung bon duong parabol ¢
chung dinh tai tam vién gach dé€ tao ra bon canh hoa (duoc té6 mau sam nhu hinh vé).

Dién tich moi canh hoa ctia vién gach bang

800 400

A. 800cm?. B. Tcm C. Tcm ) D. 250cm?.

Loi gidi:



Cau 19:

Chon hé toa @0 nhw hinh vé (1 don vi trén truc béng 10cm =1dm), cac canh hoa tao boi cac

X2 X2 y2 y2
duong parabol c6 phuwong trinh y = Ex y = Y X = - X = >
Dién tich mdt canh hoa (ndm trong géc phan tw thi nhat) bang dién tich hinh phang giéi han

X2

béihaid‘éthihémsé’yzg,y:\/ﬂ va hai dudng thing x=0;x=2.
Do d6 dién tich mot canh hoa bang
2 2 3
X 22 3 X

2x -2 |dx =| 222 J(2x)* -

3 3

0

2
=3 =55 em) =Sl ) = o)

= Chon dap an C.

Cho hai ham s6 f(x)=ax’ +bx* +cx—2 va g(x)=dx’+ex+2 (a, b, ¢, d, ecR). Biét rang d6
thi ctia ham s8 y = f(x) va y=g(x) cit nhau tai ba diém c6 hoanh do Ian luot 1a —2; -1; 1
(tham khao hinh vé).

Of1 X

Hinh phang giéi han béi hai &6 thi da cho c6 dién tich bang

A B. 13 c 2. D. 7.
6 2 2 12

Loi giai:

Phuong trinh hoanh d¢ giao diém cua do thi f(x) va g(x) la

ax’ +bx* +ex—2=dx* +3x+2 = a’ +(b—d)x2 +(c—e)x—4=0. (*)

Do db thj ctia hai ham s& cit nhau tai ba diém suy ra phuong trinh (*) c6 ba nghiém x=-2;
x=-1; x=1.Ta duoc
ax’ +(b—d)x* +(c—e)x—4=k(x+2)(x+1)(x-1). Khid6 -4=—2k=k=2.

1
Vay dién tich hinh phing can im 1a [[2(x+2)(x+1)(x—1)[dx = %7
2
= Chon ddp dn A.



Cau 20: Cho ham s8 y=x>—mx (0<m<4) c6 do thi (C).Goi S, +5, la dién tich cua hinh phing giéi
han boi (C ) , truc hoanh, truc tung va duong théng x=4 (phan t6 dam trong hinh vé bén
dwdi). Gia tri cia m saocho S, =S5, la

u. /

A m=3, B. m=12. C.om=2. D.m=".
3 3
Loi giai:
Phurong trinh hoanh d¢ giao diém ctia (C) va tryc Ox la: x* —mx=0 < =0
x=m(0<m<4)
"o m , R " "’
Slz.ﬂx —mx‘dx=.(|;(mx—x )dxz[m?—?}o =%
4 4 4
Sz=£‘x2—mx‘dxzi(xz—mx)dxz[XS—mxz—szz%—S +m—3

3

Tacd: S, =S, <:>8m—%=0<:>m=§.
= Chon dap dn D.
HET

Hué, 11h00’ Ngdy 09 thing 02 nim 2022




Page: CLB GIAO VIEN TRE TP HUE Bﬁ K]E'?M TRA PINH KY‘
g .

Mén: Tosan 12
Chi aé:  Ung dung tich phin

DIEN TiCH HINH PHANG
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DE ON TAP SO 2_TrNg 2022

LSp Toan thay LE BA BAO

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Truong THPT Pang Huy Tra SPT: 0935.785.115 Facebook: Lé B Bao
116/04 Nguyén Lo Trach, TP Hué& Truni tdm KM 10 Huong Tra, Hué.

Dién tich ctia hinh phéang (H ) duoc gidi han boi d6 thi ham s6 y=f (x), truc hoanh va hai

duong thang x=a, x=b (a<b) (phéan t6 dam trong hinh vé dudi day) tinh theo cong thirc:

A szi £(x)dx B. 5= f(x)dv+ [ £(x)ax.

a C

C. S=

Jff(x)dx. D. S:j;f(x)derjf(x)dx.

Dién tich S ctia hinh phéng gidi han boi cac duong y= —X? + 2X, y=-3, x=1x=2
dwoc tinh béi cong thirc nao dudi day ?

A szzf(—x2+2x+3)zdx. B. szi(—x2+2x—3)dx.
1 1
C.S =J2.(—x2+2x+3)dx. D. S=J2.(x2—2x—3)dx.
1 1
Dién tich hinh phang gidi han boi cac duwong y=7-2x*, y=x’+4 bang
A.5. B. 3. C. 4. D.g.

Dién tich hinh phang giéi han béi cac duong y = %, truc hoanh va dwong thang x=1 la
1+x

S=va-b.Khidé a+b bé“mg:

A. 4. B. 5. C. 6. D. 3.

Hinh phéng (H) duoc gi6i han boi d6 thi (C) cua ham da thitc bac ba va parabol (P) ¢6 truc
do6i xting vudng gdc vai truc hoanh.




Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Phan t6 dam cta hinh vé c6 dién tich bang
IS B. L. c . D. 2.
12 12 12 12
Phan hinh phing (H) dwoc gach chéo trong hinh vé dudi day duoc gisi han béi 6 thi ham

s8 y=f(x), y=x*+4xva hai duong thing x=-2;x=0.

0

Biét j f(x)dx= % . Dién tich hinh (H) bang

A.Z. B.E. C.i. D.Q.

3 3 3 3
Tinh dién tich mién hinh phang gi6i han bdi cac duong y=x*-2x, y=0, x=-10, x=10.
A 5=2%. B. $=2008. cs-22. D. 2000.

Goi (H) la hinh phang gidi han boi cac duwong y = (x- 3)2 , truc tung va truc hoanh. Goi k,, k,
(k, >k,) 1a hé s8 goc ctia hai duong thing cliing di qua diém A(0;9) va chia (H) lam ba phan
co dién tich béng nhau. Tinh k, -k, .

13 27

— B.7. c. 2. D. 2.
2 4 4

Anh Toan c6 mét cai ao hinh elip véi d¢ dai truc 16n va d¢ dai truc bé lan lwot 1a 100m va
80m . Anh chia ao ra hai phan theo mot duwong théng tir mot dinh ctia truc 1én dén mot dinh
cua truc bé (Bé rong khong dang ké). Phan rong hon anh nudi ca 1ay thit, phan nhé anh nudi
ca giong. Biét 1ai nudi ca 1dy thit va 1ai nudi cd giong trong 1 nam lan lwgt 1a 20.000 d6ng/m?
va 40.000 dong/m?2. Hoi trong 1 ndm anh Toan c6 bao nhiéu tién 1ai tir nudi c4 trong ao da nodi
trén (Lay lam tron dén hang nghin)?
A.176350000 dong. B.137080000 dong. C.139043000 dong. D.105664000 dong.
Dién tich hinh phang giéi han boi cic duong y =¢€*; y =€ va Xx=0 bang
2

AL B. = C1. D. L.

2 3 2
Trong mat phang cho duong tron (C) va parabol (P) (tham khao hinh vé& dudi day).

Dién tich phan t6 dam (lam tron dén chik s6 hang phin tram) bang
A. 1,04. B. 0,21. C. 0,67. D. 0,45.



Cau 12: Dién tich S cta hinh phang gach chéo trong hinh vé bén duoc tinh theo cong thikc nao dwdi

day?
[
/

/ Y%
|
|

B.S= J‘(x3—3x2 —x+3)dx.
O

1

A. S=j(—x3+3x2+x—3)dx.
]

C. S:j-(xs—3x2+x+3)dx. D. S:j.(x3—3x2—x+3)dx.
-1 -1

Cau 13: Chohamsd y=f(x). Him s8 y = f'(x) c6 d6 thi nhw hinh vé dudi day:

Biét phuong trinh f'(x)=0 ¢ bon nghiém phan biét a, 0, b, ¢ v6i a<0<b<c.Ménh dé nao

duwdi day dung?
A. f(a)>f(c)> f(b). B. f(a)> f(b)> f(c).
C. f(c)>f(a)>f(b). D. f(b)>f(a)>f(c).

Cho ham s6 y = f(x) =ax® +bx? +cx+d,(a,b,c eR,a+ O)C(’) do thi (C) . Biét rang do thi (C) tiép

Cau 14:
xtc v6i dudng thing y=4 tai diém cé hoanh do &m va do thi ham s& y = f'(x) cho boi hinh

veé dudi day:

Tinh dién tich S ctia hinh phéng gi6i han boi d6 thi (C ) va truc hoanh.
27 c 2. D. 2.

A.S5=9. B.S=—.
4 4 4



Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cho hai ham s8 f(x)=ax® +bx* +cx—2 va g(x)=dx’ +ex+2 (a, b, ¢, d, ee R). Biét rang
d6 thi ciaham s6 Y = f(X) va Y =0(X) cit nhau tai ba difm cé hoanh d6 lan luot 1a —2; —1;

1 (tham khao hinh vé).
YA

Hinh phang giéi han boi hai d6 thi da cho c6 dién tich bang
A3 B. & c. 3

6 7 3 12
Dién tich hinh phang S gidi han cac d6 thi ham s8 y=x°y=2-x va truc hoanh Ox (nhu

D. 2.
3

hinh vé dudi day) dwoc tinh bdi cong thirc nao sau day ?
Yl

O x
/ \ » |
y=2-2
1 2
A. S =£+fx3dx. B. S :J‘|x3 —(2—x)|dx.
2 0 0
2 1 2
C. S=I|(2—x)—x3|dx. D. S=Ix3dx+j(x—2)dx.
0 0 1

Cho hinh vuéng ABCD tamO, d6 dai canh la 4 c¢cm. Puong cong BOC la mot phan cua
parabol dinh O chia hinh vudng thanh hai hinh phang c6 dién tich Ian lwot1a S, va S, (tham
khao hinh vé).

4cm
C
B s,
4cm
(@]
Sz
A D
Ti s6 3 bang
2
AL B L. cl D. 3.
5 2 3 5

Cho ham s6 y =x° —3x? +3mx +m—1. Biét rang hinh phang giéi han boi d6 thi ham s8 va truc
Ox c6 dién tich phan nam phia trén truc Ox va phan nam duéi truc Ox bang nhau. Gia tri
cua m la:

A3 B.
1

C. D.

g1l w
[SSH\S)
1| i



Cau 19: Dién tich ctia hinh phzfmg giéihan bdiy =2x;y = x*;y=1trénmiénx>0; y <1, bf?mg

Al B.1. c2 D.2
3 2 12 3
Cau 20: Choham s8 y = f(x). D0 thi cia ham s y = f'(x) nhw hinh dudi day.
J /
N\
\[4
[ A/
-3 X
@) 113
-
bat g(x)=2f(x)-(x+ 1)2. Ménh dé nao dudi day dung?
A. g(3)>g(—3)>g(1). B. g(—3)>g(3)>g(1).
C. g(l) >g(—3) > g(3). D g(l) > g(3) > g(—3).

HET
Hué, 21h00’ Ngdy 09 thing 02 nim 2022
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Cau 1: Dién tich ctia hinh phang (H ) duoc gidi han boi d6 thi ham s6 y=f (x), truc hoanh va hai

PE ON TAP SO 2 _TrNg 2022

duong thang x=a, x=b (a<b) (phan to dam trong hinh vé dudi day) tinh theo cong thitc:

y

(C):y=[(x) |

b x

AS =j £(x)dr. B. S =_E f(x)dx+_ii e
C.s- j f(x)dx‘. D.s=| f(x)dx+i £(x)dx
Loi giai ”

Ap dung cong thikc tinh dién tich hinh phang ta c6:

b c b c b
§=J|f(x)dr=J[0—f(x) Jax+ [ £(x) -0 Jav==[ £ (x)dx+ [ £ (x)dx
= Chon dap dn B.
Cau 2: Dién tich S cta hinh phéng gidi han boi cac duong y=—X*+2X, y=-3, x=1, x=2
dwoc tinh béi cong thirc nao dudi day ?

A. S=7zJ2.(—X2+2X+3)2dX. B.S= JZ. —Xx% +2X — 3
1 1

C. S=j(—x2+2x+3)dx. D.S= ix —2x-3)d

L(‘)’igidi 1

Dién tich S cta hinh phéng gidi han bdi cac duong y = —X*+2x, y=-3, x=1 x=21a
2 2
S =j|—x2 +2x+3|dx = j(—x2 +2x+3).dx .
1

1
= Chon ddp dn C.
Cau 3: Dién tich hinh phang gi6i han boi cac duong y=7-2x*, y=X*+4 bang



Cau 4:

Cau 5:

Cau 6:

A. 5. B. 3. C. 4. D.g.
Loi giai:

Phuong trinh hoanh d6 giao diém cta cac duong y=7-2x*, y=x*+4 1a
7-2x"=x*+4=3x* =3 x=+1.

Khi d6 dién tich hinh phéng can tim la

S= Jl.‘(7—2x2)—(x2 +4)‘dx: T‘S—sz‘dx:‘j(3—3x2)dx =4.
% e |

= Chon dap an C.
Dién tich hinh phang gi6i han béi cac duong y = —2 __ truc hoanh va duong thang x=1 la

1+x°
S=+a-b.Khidé a+b bing:
A 4. B. 5. C.6. D. 3.
Loi giai:
Xét phuong trinh =0 <x=0.

\/1+x

1
Vay dién tich can tinh bang S= j dx=+1+x°| = \/E -1.

o V1+a?

Vay a=2; b=1nén a+b=3.

= Chon dap an D.

Hinh phang (H) dwoc giéi han béi &6 thi (C) ctia ham da thitc bac ba va parabol (P) c6 truc
d6i xtng vudng goc voi truc hoanh.

Phan t6 dam ctia hinh vé c6 dién tich bang

A 3L B. L. c 2 D. 2.
12 12 12 12
Loi gidi:

Vi d6 thi ham s6 (C): f (x)=ax®+bx®+cx+d va (P):g(x)=mx’+nx+p cd 3 hoanh do
giao diém1a —=11,2 nén f (x)-g(x)=a(x+1)(x-1)(x—-2).
Taco f(0)=2,9(0)=0 nén f(O)—g(O)—al (-1)(2)=2=2a<=a=1.

37

Vay phan dién tich to damla S = “X+1 (x—=1)(x— Z‘dx——2

= Chon dap an A.
Phan hinh phang (H) dwoc gach chéo trong hinh vé dudi day dwoc gisi han boi d6 thi ham
s8 y=f(x), y=x"+4xva hai duong thing x=-2; x=0.



\[>

0

Bigt | f(x)dx= g . Dién tich hinh (H) bing

A.Z. B.E. C.ﬂ. D.Q.
3 3 3 3
Loi giai:

Dién tich hinh (H ) la:

S= '[[ (x +4x)}dx :jl f(x)dx—i(x2+4x)dx

)
3 0
_A [ X o
3 |3 —
20

Vay dién tich hinh (H laS= 3

20
-

—+ (-2 +2(-2) =

_4
2 3 3
)

= Chon dap an D.
Cau 7: Tinh dién tich mién hinh phang giéi han béi cac duong y=x*-2x, y=0, x=-10, x=10.

A. S= 20300 B. S =2008. C.S= 20308 D. 2000.

Loi gidi:

Phuong trinh hoanh d6 giao diém ctia d6 thi y=x-2x va y=0la x¥* -2x=0 < i _ g.
Trén doan [-10;10] ta c6: x* —2x >0, Vxe[—lo-ojva [2-10]- x*-2x<0, Vxe[0;2].
Do 6 5= [ |v ~2xfax = [ (x* - 2x)ax - j(x _zx)dx+j(x ~2x)ax =22 (avay,

-10 -10
= Chon ddp dn C.
Nhan xét:
Néu hoc sinh stt dung MTCT tinh tich phan ma khong chia khoang thi c6 sy sai khac vé két
qua gitra may casio va vinacal. Trong tredng hgp nay may vinacal cho dap s6 dung,.



Cau 8:

Cau 9:

| CASIO
VINRCAL: S70ES PLUS 1T
NATURAL-UP.AM.

M | a2 2%l —
“ Z000 10 -
= M1 Ixeoxlon

BE3, 3333333

Goi (H) l1a hinh phang g101 han boi cac dvzong y=(x- 3)2 , truc tung va truc hoanh. Goi k,, k
(k, >k, ) 1a hé s8 goc ctia hai dudng thing ciing di qua diém A(0;9) va chia (H) lam ba phan
c6 dién tich bang nhau. Tinh k, —k, .

13

A B B. 7. c 2, D. 2.
2 4 4
Loi giai:

B EE

Goi d,:y=kx+9, d,:y=k,x+9 (k, >k,).

Goi M=d, nOx=M —2;0 ; N=d,nOx=N —2;0 —2<—2
k] k2 k2 kl
Giao diém caa (P) Y= (x - 3)2 v6i hai truc toa d6 Ian luot 1a C(S;O), A(0;9).

Theo gia thiét ta co S,y =S <:>OM=20N<:>—k2=—}<—8<:>k2 =2k,.
1 2
3
Lai ¢4 S, =3, < j(x—3)2dx=3%.OA.ON©9=—@akz=—2.
0

Suy ra k1=—2—7:>k -k _27
4 4
= Chon dap an D.

Anh Toan ¢6 mét cai ao hinh elip véi d¢ dai truc 16n va dd dai truc bé Tan lwot la 100m va
80m . Anh chia ao ra hai phan theo mét duwong thzfmg ttr mot dinh cua truc 1on dén mot dinh
cua truc bé (Bé rong khong dang ké). Phan rong hon anh nuodi cd 1ay thit, phan nho anh nuoi
ca giong. Biét 1ai nuoi ca 1dy thit va lai nuoi ca giong trong 1 ndm lan lwgt la 20.000 dong/m?

va 40.000 dong/m?2. Hoi trong 1 nam anh Toan c6 bao nhiéu tién 1ai ttr nudi ca trong ao da noi
trén (Lay lam tron dén hang nghin)?

A.176350000 dong. B.137080000 dong.

C.139043000 dong. D.105664000 dong.
Loi giai:



¥ 1

N

Dién tich toan bd ao 1a S =7.40.50 = 2oooﬂ(m2) .

Dién tich phan nuoi ca giong la: S, = 2 ~S 05 = 5007 =1000(m?) .

AOAB
Dién tich phan nudi ca thit la: S, =5—S, =15007 +1000(m”).
Tién 1ai tir nudi ca 1&: 40000.5, +20000.5, ~ 137080000

= Chon dap dn B.

Cau 10: Dién tich hinh phéng gidi han boi cac duong y=e*;y=e va x=0 b?mg
2

2
AS B. & C. 1. D L
2 3 2
Loi giai:

Tacod: e*-e=0=e'=e= x=1.
Xét dau e* —e

X |—oo 1 + 0

X
e —e — 0 +

Dién tich hinh phang giéi han boi cac duong y=¢€*;y=€ va x=0;x=11a

S :j; e* —e‘dx:l‘(e—ex)dx:(ex—ex) =(e—e)—(0-¢")=1.

= Chon dap an C.
Cau 11: Trong mat phang cho duong tron (C ) va parabol (P) (tham khao hinh vé dudi day).

1
0

Dién tich phan t6 dam (lam tron dén chit s6 hang phin trim) bang
A. 1,04. B. 0,21. C. 0,67. D. 0,45.
Loi giai:



2

y=N2x—-x

yz—\/2x—x2‘

Phuong trinh dwong tron la (x - 1)2 +y’ =1 {

Phuong trinh parabol 1a y = x”.

1
Dién tich ¢an tinh 1a S = (\/Zx - )dx ~0,45.
0

= Chon dap an D.
Ciu 12: Dién tich S cua hinh phéng gach chéo trong hinh vé bén dwoc tinh theo cong thitc nao dwdi
day?
» 3=+ 2

1 1
A. S:j(—x3+3x2+x—3)dx. B. S:I(x3—3x2—x+3)dx.

N E
C. S:_f(x3—3x2+x+3)dx. D. S:I(x3—3x2—x+3)dx.

-1 -1
Loi giai:

Dién tich phan gach chéo duoc tinh bé cong thitc :
1 1

S= Hx3 —-3x? +2—x+1‘dx = j(x3 —3x% —x+3)dx.
-1 -1

= Chon dap dn B.
Cau 13: Chohamsd y=f(x). Ham s8 y = f'(x) c6 do thi nhu hinh vé dudi day:

Biét phuwong trinh f’(x) =0 ¢6 bon nghiém phan biét a, 0, b, ¢ véi a<0<b<c.Ménh dé nao

dwdi day dung?

A. f(a)> f(c)> f(b). B. f(a)> f(b)> f(c).
C. f(c)> f(a)> £(b). D. f(b)> f(a)> f(c).
Loi giai:

Ta c6 bang bién thién



f(x) 0 + 0 + 0
. \ / f(0) \\ / flc) \
fla)

fib)
Suy ra f(c)> f(b) 1)
Goi S, 1a dién tich hinh phang giéi han boi d6 thi y = f '(x), duong thang x=a, x=0.

S, 1a dién tich hinh phing gi¢i han boi do thi y = f'(x), dudong thang x=0, x=b.
S, 1a dién tich hinh phang gi6i han béi d6 thi y = f '(x), duong thang x=b, x=c.

Vi§ +5,<S, < ﬂf ‘dx+ﬂf ‘dx<ﬂf ()] ax

= Tf’ x dx+J.f’ xdx<—J.f’ xdx

a

0
= f(0)=f(a)+ f(e)-f(b) <=f(b)+ £(0)
= f(a)>f(c) (2)
Twe (1) va (2) = f(a)> f(c)> f(b).
= Chon dap dn A.
Cau 14: Cho ham s8 y=f(x)=ax’ +bx* +cx+d,(a,b,c € R,a#0)co do thi (C). Biét rdng do thi (C) tiép
xtc voi duwong thang y =4 tai diém c6 hoanh d6 am va d6 thi ham s6 y = f '(x) cho boi hinh

veé duoi day:

Tinh dién tich S ctia hinh phéang giéi han boi d6 thi (C) va truc hoanh.
A.§=9. B.5=2. c D. 2.
4 4 4

Tt d6 thi suy ra f'(x)=3x>-3.

x):jf’(x)dxzf(3x2—3)dx:x3—3x+C.
Do (C) tiép xtic véi duong thang y =4 tai diém c6 hoanh d6 x, 4m nén
f'(%,)=0<3x; -3=0<x,=-1.Suyra f(-1)=4=C=2=(C):y=x"-3x+2

x=-2

Xét phuong trinh x° -3x+2=0< n
X =



Dién tich hinh phéng can tim la: J._]Z(x3 —-3x+ Z)dx = % .
= Chon ddp dn B.
Cau 15: Cho hai ham s§ f(x)=ax’+bx’+cx-2 va g(x)=dx’+ex+2 (&, b, ¢, d, eeR). Biét rang
d6 thi cia ham s6 Y = f(X) va ¥ =g(X) cit nhau tai ba di€m c6 hoanh d6 Ian luot 1a -2, -1,
1 (tham khao hinh vé).
YA

Hinh phang giéi han boi hai d6 thi da cho c6 dién tich bang

A.z. B.g. C.3—7. D.ﬂ.
6 3 12 3
Loi giai:

Ta c6 phuong trinh hoanh do6 giao diém:
f(x)=9g(x) < f(x)-g(x)=0 < ax’+(b—d)x*+(c—e)x—4=0 (1).
Vi phwong trinh (1) 1a phwong trinh bac 3 va X =-2;X=-1,X=1 14 3 nghiém phan biét ctia
phuong trinh (1) nén ta suy ra
f(x)-g(x)=a(x+2)(x-1)(x+1) (2).
Tacod f(0)=—-2, g(0)=2nén f(0)-g(0)=—4.
Mat khac tte (2) taco f (0)—g(0)=a(0+2).(0-1).(0+1)=-2a.
Suyra 2a=-4<a=2.
Do d6 f(x)—g(x):2.(x+2)(x—1)(x+1):2(x+2)(x2—1).
2 1
Dién tich hinh phang can tim 1a § = [ |f (x) - g (x)|dx = [[2(x+2)(x* ~1)[dx =%7.
-2 -2

= Chon dap an A.

Ciu 16: Dién tich hinh phzfmg S gidi han cac d6 thi ham s8 y=x*,y=2-x va truc hoanh Ox (nhw
hinh vé dudi day) dwoc tinh boi cong thitc nao sau day ?

Ly 3

Yy =T

4 7

P

N
Yy = 2 —

J

N

A. S=1+jx3dx. B. S:i|x3—(2—x)|dx.
2 0 0

C. S =i|(2—x)—x3|dx. D. S =j'x3dx+.2[(x—2)dx.
0 0 1

Loi giai:



Cau 17:

Cau 18:

1 2 1
S =Ix3dx+f(2—x)dx=l+jx3dx.

0 1 2 0
= Chon ddp dn A.
Cho hinh vuéng ABCD tamO, d6 dai canh la 4 cm. Puong cong BOC la mot phan cta
parabol dinh O chia hinh vudng thanh hai hinh phang c6 dién tich [an luot1a S, va S, (tham
khao hinh vé).

4 cm
C
B s,
4cm
O
S,
A D
Tis6 =+ b??mg
2
A.g. B.l. C.l. D.E.
5 2 3 5
Loi giai:
Ay
2
B C

Gan hé truc toa d6 nhu hinh vé.

2

Ta c6 phuong trinh parabol (P):y = % X",

2
Suyra S, = J-(Z—lxzjdx :E (dvdt).
s 2 3

Dién tich hinh vuéng ABCD 1a S, = 4% =16 (dvdt).

Do d6 dién tich S, 1a SZ=SABCD—Sl=16—%=3—32 (dvdt).
Vaytisg 210,321
s, 3°3 2

= Chon dap dn B.

Cho ham s8 y =x* —3x* + 3mx + m —1. Biét rang hinh phang gi6i han bsi d6 thi ham s& va truc

Ox c6 dién tich phan nam phia trén truc Ox va phan ndm duwéi truc Ox bf?mg nhau. Gia tri

cta m la:
3

A —. B.
4

Loi giai:

C. D.

| w
WI[N
Q1| W



Cau 19:

Cau 20:

TXD: D=R. y' =3x* —6x+3m=3(x2 —2x+m).
Yéu cau bai toan suy ra d6 thi ham sd cit truc Ox tai 3 diém phan biét nén.
x* =2x+m=0 c6 hai nghiém phan biét < A, >0=1-m>0em<1.

Khi d6 d6 thi ham s& d6i xing qua tam I(1;-3+4m).
Yéu cau bai toan tirong dwong véi [ € Ox < -3+4m=0<m =Z (ym).= Chon ddp dn A.

= Chon dap an A.
Dién tich ctia hinh phéng gidihanbdiy =2x;y=x*;y =1 trén miénx>0; y <1, bé“mg

Al B.L. o2 D.2,
3 2 12 3
Loi giai:
A f
15
P E 3
H2
0.5
H1
L5 -1 -0.5 0.5 1 15

Phuong trinh hoanh dong giao diém x° =1= x=1; 2x=1< x = %

Hinh phang can tinh duoc tao tit hai hinh ( H,) va (H 2)

y =2X %
Trong d6 (H,){y =X’ <:>81=H2X—X2‘dX:2—54.
0
x:0;x=1
y=1
0 5
Va (H,)=y=x? &S, =|[1-x|dx =—.
( 2) y . 2 .ﬂ ‘ 24
Xx==; x=1 2
2
A N , \ < A ’ \ 5 5 5
Vay dién tich hinh phang can tinh1aS =S, +S, = —+ —=—.
24 24 12

= Chon ddp dn C.
Cho ham s8 y = f(x). D6 thi cia ham s§ y = f'(x) nhw hinh dudi day.



[/
|
/

X

ol 1]3

|
-

Dit g(x)=2f(x)-(x+1)". Ménh dé nao dudi day dung?
A. g(3)>g(—3)>g(1). B. g(—3)>g(3)>g(1).
C. g(l) >g(—3) > g(3). D. g(l) > g(3) > g(—3).

.....

N /

—
fr—
\\

=%
|
V)

Taco g'(x)=2f"(x)-2(x+1)

, , x=1
g(x)=0cf (x)=x+1<:>L=i3.
Bang bién thién
X —0 -1 3 5 +00
g'(X) - 0 + 0 — +
+00 +00

SN i " N /

Suy ra g(-3)<g(1) va g(3)<g(1).

1 3 1 3
Theo hinh vé J.[f'(x) —(x+ 1)]dx > I[(x +1) —f'(x)]dx = %Ig’(x)dx > —%J.g'(x)dx

-3 1 -3 1
= 8(v), > -s(x)], = (1) -5(-3)>~3(3) + 8(1) = 8(3) > 5(-3)..
Vay g(1)>g(3)>g(-3).
= Chon ddp dn D. )

HET
Hué, 21h00’ Ngdy 09 thing 02 nim 2022
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Cau 1: Cho ham s8 y=f (x) lién tuc trén R. Goi D la dién tich hinh phang giéi han boi d6 thi
(C ) y=f (x), truc hoanh, hai duong théng x=-2, x=4 (tham khao hinh vé bén dudi).

yA
flx)

Gia st S, 1a dién tich hinh phang D . Ménh dé nao dudi day sai?

4 4
A. S, = J|f(x)|dx. B. S, =|[ f(x)dx
2 -2
1 4 1 4
C. Sy =|[ £(x)dx|+|[ £ (x)dx D. S, = | f(x)dx—] f(x)dx.
2 1 -2 1
Cau 2: Dién tich hinh phang giéi han boi cac duong y=x"-X, y=2x-2, x=0, x=3 duoc tinh boi
cong thirc
3 2
A. S:I(x2—3x+2)dx B. S:ﬂxz—3x+2‘dx.
1

0

C. S=i‘x2—3x+2‘dx. D. S=ﬁx2+x—2‘dx.
0 1

Cau 3: Dién tich ctia hinh phéng gi¢i han boi cac duong y = €052 X;y =0 va x=0;x = % bing

A. E l B.£+1. C. E+1 D. Z.
4 2 4 8 4 8

Cau 4: Dién tich hinh phang gi6i han béi cac duong y=x> va y=x+2 la

A.S=9. B.Szg. C.S=g. D.S=§.
4 9

2



Cau 5:

Cau 6:

Cau 7:

Cho ham s8 f (X) c6 d thi trén doan [-3;3] 1a duong gdp khtic ABCD nhu hinh vé.

3
Tinh [ f(x)dx.
-3

5

A2 B. 3%, c. =2, D. 235,

2 6 2 6
Cho ham s6 y = f (x) lién tuc trén doan [—2;2], cO d6 thi tao véi truc hoanh mot hinh ph:fmg

gom 3 phan cd dién tich S,; S,; S, nhu hinh vé bén dudi:

y
ftx)
S2\1 2 X
——>
2 @]
S, S;
2 N
Tich phan I f(x)dx bang
-2
A. S, +S,-5,. B. S -5, +5S,. C. S5 +5,+5,. D. -5 +S,-S,.

Cho ham so f (X) c6 dao ham f'(X) lién tuc trén R va do thi cta f'(X) trén doan [—2;6]

nhu hinh bén dwéi. Khang dinh nao duéi day ding?

/.
(€):y=£(x)

A. f(=2)<f(-1)<f(2)<f(6). B. f(2)<f(-2)<f(-1)<f(6).
C. f(-2)<f(2)<f(-1)< f(6). D. f(6)<f(2)<f(-2)<f(-1).



,y=x"-2.

Cau 8: Tinhdiéntich S ctia hinh phang giéi han béi d6 thi cdc ham s8 y =|x
13 11 20

A S=—. B. S=3. C.S=—. D.S=—.
3 2 3

Cau 9: Cho ham s8 y = f(x). D0 thi ham s§ y = f'(x) nhu hinh bén.
bat g(x ) ( )+( x +1)2 . Khéng dinh nao sau day dtung?

A 8(3)>5(1)>(0). B. 5(1)>5(0)>4(3).

s

C. 2(0)>5(3)>3(1). D. ¢(1)>(3)>5(0)-

Cau 10: Dién tich hinh phang gi¢i han boi cac @ thi ham s& y = (e+1)x va y =(1+e*)x la.
3

A 21 B.2-2 C.2. D 1.
e 2 2

Ciu 11: Cho y = f(z) la ham s da thirc bac ba c6 d6 thi nhw hinh vé bén dudi:

yh

==
T
Tinh dién tich hinh phéng dwoc to dam.
A2 B. 3T, c. 2 D&
4 12 12 3

Cau 12: Chohamsd y=x*-3x*+m c6 d6 thi (Cm), v6oi m la tham so thyee. Gia st (C ) cit truc Ox

m

tai bon diém phan biét nhw hinh vé

e % S
-z@/ o@'z 3 4

Goi S;, S,, S; la dién tich cdc mién gach chéo duwoc cho trén hinh vé. Gid tri cia m dé

-1+

S,+5,=S5, la
A -2 B. 2 c. -2 D. 2
2 4 4 2



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cho ham s6 y = f(x) c6 d6 thi trén doan [-2;6] nhu hinh vé bén dwéi. Biét cac mién A, B,C
c6 dién tich Ian lwot 14 32, 2 va 3.

i
PN
VAN 0
R /ﬂh'“‘\:’(.i”:('rv o
\% G2
f
/
/

\
¢

2
Tich phan| = I(BX—4) (1+ f (—%Xz +2X+5Ddx bang
)

A.I:% B.1 =-82. C.1=66. D.1 =50.

Biét rang hinh phang (H) gi6i han béi cac duong thang y=2-X, y=0,x=k,x=3(k <2)
va c6 dién tich bang S, . Xac dinh gia tri k dé& S, =16.

Ak=-2-4/15. B.k=2-/31. C.k=2-+/15. D.k=-2-4/31.

Trong mat phang cho hai duwong tron (C,) va (Cz) (tham khao hinh vé duoi day).

Dién tich phan t6 dam (lam tron dén chik s6 hang phidn tram) gan nhat véi gid tri bang

A. 1,04. B. 2,21. C. 1,71. D. 1,45.

Mot cai cong hinh Parabol nhw hinh vé sau. Chiéu cao GH =4m, chiéu rong AB=4m,
AC =BD =0,9m. Cht nha lam hai canh c¢dng khi dong lai la hinh chit nhat CDEF t6 dam c6
gid 1a 1200000 dong/m?, con cac phan dé trang lam xién hoa c6 gia 1a 900000 dong/m?. Hoi
tong so tién d€ lam hai phan ndi trén gan nhat véi so tién nao dudi day?

(£

( ! 1)

A B
A. 11445000 dBng. B. 4077000 c’[\f)ng. C. 7368000 dBng. D. 11370000 d‘f)ng.




Cau 17: Tinh dién tich hinh phang gi6i han boi cac duong y=x>, y= L X+ 4 va truc hoanh.

Al B. 2. c 3 p. 2.
6 7 3 162 2
Cau 18: Trong mat phang cho elip va duong tron nhw hinh vé.
Dién tich phan t6 dam (lam tron dén chit s6'hang phiin trim) bang
A. 593,92. B. 602,22. C. 570,14. D. 613,02.

Cau 19: Cho duong thing y = % X va parabol y :%XZ +a (a la tham so thuc duong). Goi S,,S, lan
lweot 1a dién tich ctia hai hinh phang duoc gach chéo trong hinh vé bén.

,:‘ .

S, !

\ 4 < e

Khi S, =S, thi a thudc khoang nao dudi day?

A. li . B. ll . C. il . D. O;i .
4 32 32 4 16 32 16
Cau 20: Cho hinh phing (H) giéi han boi d6 thi ham s8 f(X) =4x—X® truc hoanh va hai dwong

thang x = 0,x =2 (tham khao hinh vé bén duéi).

Puong thang y= (a—+/b)x (véi a,bla céc s§ nguyén duwong) chia (H) thanh hai phan cé
dién tich bang nhau. Gia tri ctia biéu thtic a+b bang

A12. B.4 . C.16. D.14.
HET

Hué, 11h00’ Ngdy 11 thdng 02 nim 2022




Page: CLB GIAO VIEN TRE TP HUE Pl KIEM TRA BDINH KY
RN Mén: Todn 12

cni aé:  Ung dung tich phan

DIEN TiCH HINH PHANG

Cau 1: Cho ham s y=f (x) lién tuc trén R. Goi D la dién tich hinh phang giéi han boi d6 thi
(C ) y=f (x), truc hoanh, hai duong théng x=-2, x=4 (tham khao hinh vé bén duéi).

DE ON TAP SO 3 _TrNg 2022

yA
flx)

Gia st S, la dién tich hinh phang D . Ménh dé nao dudi day sai?

4 4
A. S, = J|f(x)|dx. B. S, =|[ f(x)dx
5 2
1 4 1 4
C. Sy =|[ £(x)dx|+|[ £(x)dx D. S, = | f(x)dx—[ f(x)dx.
2 1 -2 1
Cau 2: Dién tich hinh ph?\ng gidi han boi cac duong y=x"-X, y=2x-2, x=0, x=3 duoc tinh boi
cong thirc
2
A. S=i(x2—3x+2)dx. B. S:I|x2—3x+2|dx.
0 1
C. S=i|x2—3x+2|dx. D. S=i|x2+x—2|dx.
Lb’igid:' l
Tacod S = H (2x 2 ‘dx _Hx —3x+2‘dx

= Chon dap an C.
Ciu 3: Dién tich ctia hinh phéng gi6i han boi cac duong y =c0s? X;y =0 va x =0;X = % bing

A —+—. B.£+1. C. —+—. D.z.
4 8



Dién tich hinh phang can tim la:

z z z %
T, t 17 1 1. 1
S:ﬂcos x‘dx=.[cos xdx=—j(1+cost)dx:— X+=sin2x | ==+=.
0 5 2% 2 2 o 4
= Chon dap an C.
Cau 4: Dién tich hinh phéng gi6i han bdi cac duong y=x* va y=x+2 la
A.S=9. B.Szg. C.S:g. D.S=§.
4 2 9

Loi giai:
Xx=-1

Phuong trinh hoanh d6 giao diém la: X* =x+2 < { 5
X =

3 2
X——X——2x
3 2
= Chon dap an C.

Cau 5 Chohamsd f (X) c6 do thi trén doan [—3; 3] la duwong gap khuc ABCD nhu hinh vé.

2

Tacod S :ﬁxz—x—Z‘dx =
]

-1

Phuong trinh dudng thing CD di qua C(11) vanhan CD= (2;-3) 1am vécto chi phuong.
Phuong trinh chinh tic (CD): XT_l = y_—31 < —3x—-2y=-5.
pit E=(CD)NOx.

5
Taduge | X"V =7 X_§:>E(§;oj.
y=0 0 3

Do d6



Cau 6:

Cau 7:

Ji‘ f (x)‘dx = 'f__:‘ f (x)‘dx+'f_12‘ f (x)‘ dx+L§‘ f (x)‘dx+j§‘ f (x)‘dx

1 1(2 1(4
=S, +5 +SA2CE-|-SEDA3 :E(lxl)+(3x1)+5(§xlj——(—x2) =%+3+%_g=g,

ABA T D ABCA,

2\ 3
= Chon dap an A.
Cho ham s6 y = f (x) lién tuc trén doan [—2;2], c6 d6 thi tao vdi truc hoanh mdt hinh ph:fmg

gom 3 phan cd dién tich S,; S,; S, nhu hinh vé bén dudi:

y
ftx)
S2\1 2 X
R
2 @]
S" S;
2 N
Tich phan I f(x)dx bang
-2
A. S, +S,-S, B. S, -S,+S,. C. S, +S,+8,. D. -5, +S, -5, .
Loi giai:

Ta cé d6 thi ham s& yzf(x) cit truc hoanh tai diém cé hoanh d6 x=-2; x=0; x=1; x=2.

2 0 1 2
Ta co: _ff(x)dxz jf(x)dx+jf(x)dx+jf(x)dx =-S5 +5,-S,.
2 -2 0 1
= Chon dap an D.
Cho ham so f (X) c6 dao ham f'(X) lién tuc trén R va do thi ctaa f'(X) trén doan [—2;6]
nhu hinh bén dwéi. Khang dinh nao dudi day dung?

A
(€):y=1(x)

A f(=2)<f(-1)<f(2)<f(6). B. f(2)< f(-2)< f(-1)< f(6).
C. f(-2)<f(2)<f(-1)<f(6). D. f(6)< f(2)<f(-2)<f(-1).

.....



Dua vao do thi ctia ham f’(x) trén doan [-2;6] ta suy ra bang bién thién ctia ham s6 f ()

trén doan [—2;6] nhu sau:

X -2 -1 2 6
f(T) 0 T+ 0 N 0 +
E f(-1) 7(6)
) f(—3)/ \f(E) _—
f(=2)<f(-1)
Duya vao bang bién thién ta c6 < f (2)< f(-1) nén A, D sai.
f(2)<f(6)
y A
““““ 3 (©):y =)

Ta can so sanh f(-2) va f(2).
Goi S,, S, la dién tich hinh phang duwoc t& ddm nhuw trén hinh vé.

-1

Tacd: S, =:fl‘f'(x)‘dx = [ £'(x)dx = f (<1)- F(-2).

)
j \dx——j x)dx = f (-1)- f(2).

Dua vao do thi ta thay S,<S, nén f(-1)-f(-2)<f(-1)-f(2) = f(-2)>f(2).

= Chon ddp an B.

Cau 8: Tinh dién tich S cta hinh phéang gi6i han boi d6 thi cdic ham s y =[x, y=x*-2.
A.S:B. B. S=3. C. S—E D. S—Q
3 2 3
Loi giai
X=-2
Xét phuong trinh: [X|=X* -2 < x> V2 = .
X' -5x*+4=0 x=2

2
Dién tich hinh phang can tim: S = _H|X| — X+ 2‘ dx = %
2

= Chon ddap dan D.



Cau 9: Cho ham s§ y = f(x). Db thi ham s8 y = f'(x) nhu hinh bén.
bat g(x)=2f(x)+(-x+ 1)2 . Khang dinh nao sau day dtng?

A. g(3)>¢(1)>g(0). B. g(1)>g(0)> g(3).
C. g(O) >g(3) > g(l). D. g(l) >g(3) > g(O).
Loi giai
x=0

Taco g(x)=2f"(x)-2(-x+1)=2[ f'(x)-(-x+1)]; g'(x)—0<:>f'(x)—x+1<:{x—;.
Bang bién thién: v

X o 0 1 3 4w \/’i 3 ,ﬂx’ x

g - 0o + 0 - 0 + i |

Suy ra g(O) < g(l) va g(3) < g(l).

Theo hinh vé I[ —(-x+1 ]dx<i[ (x ]dx<:> Ig <—%ig'(x)dx
1 1
< (%)), <-s(x )L 8(1)-5(0)<-g(3)+5(1 ) 3(3)<g(0). Vay g(1)>5(0)>g(3)--
= Chon dap dan B.
Cau 10: Dién tich hinh phang gi¢i han boi cac @ thi ham s& y = (e+1)x va y =(1+e*)x la.
Aot B.2-=. C2. D. 2-1.
e 2 2
Loi giai

Ta c6: Phuong trinh hoanh d6 giao diém ctia hai dwong cong la (e+1)x = (1+ " ) X.
Suyra x=0; x=1.

Do dé S :h(l+e)x—(1+ex)x‘dx=...= 1.
0

= Chon ddp dn D.
Cau 11: Cho y = f(x) la ham s6 da thirc bac ba ¢6 d6 thi nhu hinh vé. Tinh dién tich hinh phéng dwoc
to dam.



=
x
NS B. 2L, c 2. D. 2.
4 12 12 3
Loi giai:

Giast f(x)=ax’+bx*+cx+d c6 d6 thi (C) nhw hinh vé trén.
Piém 0(0;0) e (C)=d=0= f(x) =ax®+bx*+cx.
a+b+c=0 a=-1
Céc diém A(1;0),B(2;2),D(3;,0) e (C) = {4a+2b+c=1<<b=4 = f(x)=—x>+4x"-3x.
9a+3b+c=0 c=-3
Dlen tich hinh phang can tim la
37
S= j[o— f(x)]dx+j [(x)—0Jdx = j(x —4x° +3x)dx+j( X3 + 4%’ ~3x)dx= .

:Ch()n dap an B.
Cau 12: Choham s§ y=x"-3x>+m c6 d6 thi (Cm), v6éi m la tham so thyee. Gia st (Cm) cit truc Ox

tai bon diém phan biét nhw hinh vé

F's
¥

X
b
L4

L L L x-ﬂ L L
Jz@’ [7) @z‘ 3 4
a4

Goi S;, S,, S; la dién tich cac mién gach chéo duoc cho trén hinh vé. Gid tri cia m dé

S,+S,=5, Ia

A -2 B. > c.-2 D. 2
2 4 4 2

Loi gidi:

Goi X, la nghiém duong 16n nhét ctia phuong trinh x* —3x*+m =0, tacé m=-x'+3x’ (1).

Vi $,+5,=5,va S =S, nén S, =25, hayj x)dx =0.

" 5 4

X X

Ma If(X)dX:i‘(x4_3x2+m)dx Z(%S—X3+ij :E—xf_pmxlle{g_

xf+mJ.

0



4 4
Do do, x{%—xf+m]=0<:>%—xf+m:0 (2).

4
Tt (1) va (2), ta c6 phuong trinh X1 — X =% +3x’ =0 < —4x +10x' =0 < X' =

r\>|o1

vaym:_xf+3xf=;

= Chon dap an B.
Cau 13: Choham so y= f(x) c6 d6 thi trén doan [—2;6] nhw hinh vé bén dwéi. Biét cac mién A, B,C

c6 dién tich Ian lwot 14 32, 2 va 3.
"
2 A% / G
L. N B2 |8,
) / K,;' P &

f/
/
/

o
./

\
\
2 3 .
Tich phan| = j(3x—4) (1+ f (—Z X +2x+5Ddx bang
-2
A.I:% B.1=-82. C.1=66. D.1=50.
Loi giai:

Dat t=—%x2+2x+5:>dt=(—gx+2jdx:>(3x—4)dx=—2dt

Do6ican: - Véi x=-2=t=-2
Véi x=2=1t=6

Ta dugc: |_-2j[1+f ]dt_—zjdt 2] t)dt=-16-2M .

6

Véil\/l:jf(t)dt:j dt+j dt+j t)dt=-32+2-3=-33.

-2 -2
Vay: | =-16-2.(-33)=50.
= Chon dap dan D.

Cau 14: Biét rang hinh phang (H) gidi han boi cac duong thang y=2-x, y=0,x=k,x=3(k<2)
va c6 dién tich bang S, . Xac dinh gia tri k d& S, =16.
Ak=-2-15. B.k=2-+/31. C.k=2-+15. D.k=-2-+/31.

Loi gidi:

3 2 3 2
S, ='|'|2—x|dx=I|2—x|dx+j|2—x|dx :I(Z—x)dx
k k 2
(Z—Zk +1k2)—(—1j Ly oy
2 2 2 2

2
LZX—EXZJ —(Zx—lxzj
2" ), 2

N'—.w

(2—x)dx




k=2++/31
Ma S, =16 nén suy ra 1k2—2k+§=16<::>1k2—2k—£:0(:) .
2 2 2 2 k=2-+/31

Vi k<2 nén k=2-+31.
= Chon dap an B.
Cau 15: Trong mat phang cho hai duong tron (Cl) va (C,) (tham khao hinh vé dudi day).

(C)

Dién tich phan t6 dam (lam tron dén chik s6 hang phidn tram) gan nhat véi gid tri bang
A. 1,04. B. 2,21. C. 1,71. D. 1,45.
Loi giai:

<
Il
i~
|
=
N

Phuong trinh duwong tron (C,) 1a x* +y* =4 < [ .
y=—4-x

Phuong trinh dwong tron (C,) 1a x* +(y - 2)2 =le [

<
Il

2 2 = X=—
X +y =4 y 4 1

Xét hé phwong trinh: o )
- PREOnS {x2+(y—2)2=1 y 15 RV

Dién tich can tinh1a S=5_, -2S =7-2

[m—(Z—ﬂﬂdle,H.

(©)

el

5
4

Cach2: $=2 | [(2+\/1—x2)—\/4—x2}dle,71.
0




Cau 16:

= Chon dap dn C.

Mot cai cong hinh Parabol nhu hinh vé sau. Chiéu cao GH =4m, chiéu rong AB=4m,
AC = BD =0,9m. Chu nha lam hai canh cong khi dong lai la hinh cht nhat CDEF t6 dam c6
gid 1a 1200000 dong/m?, con cac phan dé trang lam xién hoa c6 gia la 900000 dong/m?. Hoi
tong so tién d€ lam hai phan ndi trén gan nhat véi so tién nao dudi day?

O

( ! 1)

A 8
A. 11445000 dong.  B. 4077000 déng.  C. 7368000 dong.  D. 11370000 dong.
Loi giai:
Gén hé truc toa do Oxy sao cho AB trung Ox, A trung O khi d6 parabol c6 dinh G (2; 4)
va di qua goc toa do.

1}
i

4 {
1 Aywer s 4

\ 4

Gia st phurong trinh ctia parabol ¢6 dang y =ax” +bx+c (a=0).
c=0

a=-1
Vi parabol c6 dinh la G(2;4) va di qua diém O(O;O) nén ta co —2%1=2 &db=4 .
a2’ +b2+c=4 ©70
Suy ra phuwong trinh parabol 1a y = f(x) = —x* +4x.
‘ X’ Y.
Dién tich ctia ca cong la § = [(—X* +4x)dx =| =Z-+2x* | === (m?).
) 3 3

Mit khéc chiéu cao CF = DE = f (0,9)=2,79(m); CD=4-2.0,9=2,2(m).

Dién tich hai canh cong la Sepge = CD.CF =6,138 (m?).

o L . 32 6793 /, ,
Dién tich phan xién hoala S, =S —S. - = 3 6,14 = 1500 (m ) :

6793
Vay tong so tién dé lam cong la 6,138.1200000 + %.900000 =11441400 dong.

= Chon dap dan A.



Cau 17: Tinh dién tich hinh phang gi6i han boi cac duong y=x>, y= L X+ 4 va truc hoanh.

Cau 18:

A2 B2 c. 3 D. 2.
6 3 162 2
Loi giai:

o [ T
\ \ A . o A2 ? ’ \ 2 1 4 \
Phuong trinh hoanh do giao diém ctia cac duong y = X°, y=——x+§ la
x=1
2__ 1.4 2
X =—=X+—3X +Xx-4=0< 4.
3 3 X=—§

Hoanh d¢ giao diém ctia duong tha&mg y= —% X+ 4 voi truchoanh la x=4.

Hoanh d6 giao diém ctia parabol y = X* véi truc hoanh 1a x=0.
Dién tich hinh phéng can tim la:

1 4 31
S =J.x2dx+'f(—£x+ﬂjdx X +(—1x2 +ij
0 1 3 3 3 0 6 3
= Chon dap an A.

Trong mat phang cho elip va duwong tron nhuw hinh vé.

4

1

Dién tich phan t6 dam (lam tron dén chit s6 hang phin trim) bang

A. 593,92. B. 602,22. C. 570,14. D. 613,02.
Loi giai:

y =20+ /400 — x>

y =20 —+/400 - x*

Pudng tron ¢6 phuong trinh la: x* +(y -20)" =400 < [



_ >
y=,/400| 1—
) ) . Xt yz 1600
Elip c6 phwong trinh la: +Z<L =l .
1600 400 2
y=-/400{ 1-
1600

x* +(y—20) =400

Xét hé phuwong trinh: 2 2 2
preens Ve —1600(1- 2
1600 400 400

yzwﬂm

2
Y 2 2
=1600| 1-—— |+(y—-20) =400 < -3y~ -40y+1600=0 <
( 400} ( ) —20-20+/13
y:#
_ —20+20v13
3

Xét y = x~19,83.

19,83 2
Licdo: S, =2 | [ 400(1— - j —(20 — /400 - x° )}dx ~593,92.
- 00

= Chon dap an A.
Cau 19: Cho duong thing y = % X va parabol y :%XZ +a (@ la tham so thuc duong). Goi S, S, lan

lweot 1a dién tich ctia hai hinh phang dwoc gach chéo trong hinh vé bén.
3
5

Yy =

\ . 1 .
==+
: 2

Khi S, =S, thi a thudc khoang nao duwdi day?
A. ii . B. ll . C. il 1 D. O;i .
4 32 32 4 16 32 16
Loi giai:
4 A \ A . o A2 1 2 3 1 2 3
Xét phuong trinh hoanh d6 giao di€ém SX ta= X oX _Zx+a:0 (*).
Do duong thang y = % X cat parabol y = % x* +a tai hai diém phan biét c6 hoanh d§ dwong

nén phuong trinh (*) c6 hai nghiém duwong phan biét 0 < x <X,

A>0 9
—-—2a>0 9
=<{S5>0<116 <:>O<a<3—2.
P>0 2a>0

Ta co:



Cau 20:

Slzj(1x2+a—§xjdx;82:j@x—lxz+a)dx:—j(1x2+a—§xjdx.
)2 4 4" 2 2 4

X

$,=5, <S5, -S. =0 lx2+a—§x dx + 1x2+a—§x dx =0
v toe 2 4 2 4
0 %

X3 3,
<:>j =x? +a——x dx=0&| —+ax——x
6 8

<:>1x3+ax —§x§:0<:>lx§+a—§x2:0.
6 8 6 8

X2

=0

0

Ma X, la nghiém phwong trinh (*) nén % X2 —% X,+a=0.

! x,=0 (L)
Trir v& v6i v& hai phuong trinh duogc: —= X2 +=x, =0 < 9 .
3 8 % =3 ™)
Véi X, zg :a_ﬂ (tm). Vay a:ﬂeii;lj,
8 128 128 \16 32
= Chon dap an C.

Cho hinh phing (H) giéi han boi d6 thi ham s§ f(X)=4x—X® truc hoanh va hai duong
thang x=0,Xx= 2 (tham khao hinh vé& bén duéi).

Duong thang y= (a—+b)x (véi a,bla cac 6 nguyén duong) chia (H) thanh hai phan cé
dién tich bang nhau. Gia tri ctia biéu thiec a+b bang

A.12. B.4 . C.16. D.14.

Loi gidi:

Phuong trinh hoanh d6 giao diém: f(x) =0« 4x—x*=0& x=0,x=+2.

2
Dién tich mién (H) 1a: S = f (4x—x*)dx =4

0
Gia stt duong thang y = kx chia mién (H) thanh 2 phan c6 dién tich bang nhau va bang 2.
Xét phuong trinh hoanh d6 giao diém: 4x —x* = kx= x=0,x = ++/4—k .
4—k _(4—k)* (4—k)’ _(4—k)’

YAk X2 x4
Tacd: 2= 4—K)X—x)dx=|(4—k).=——=—
aco [« )x—x%) [( )24]0 . ; -
4—k =242
= (4—k)? =8> V2 —k=4-2J2=>a=4b=8=a+b=12.
4—k=-22

= Chon ddp dn A. )
HET
Hué, 11h00’ Ngdy 11 thdng 02 nim 2022
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DIEN TiCH HINH PHANG

DE ON TAP SO 4_TrNg 2022

Lép Toan thay LE BA BAO

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Truong THPT Pang Huy Tra SPT: 0935.785.115 Facebook: Lé B Bao
116/04 Nguyén L6 Trach, TP Hué Trung tim KM 10 Huong Tra, Hué.

Cho hai ham s6 y=f (X) va y= g(X) lién tuc trén doan [b;a] . Goi D la dién tich hinh
phing gi6i han béi cac d6 thi ham s6 y=f(x),y=g(x)va hai duong thing
x=a,x=b (a>b), dién tich cia D dugc tinh theo cong thtrc ndo dudi day?

A. I(f(x)—g(x))dx . B.S :.:[ f (x)dx—_:[g(x)dx .C. i|f (X)—g(x)dx .D. :[|f(x)—g(x)|dx.

Dién tich hinh phéang gi6i han boi d6 thi ham s§ y=—x’+4, truc hoanh va cic duong thang

x=0, x=3 la:
A.%. B. 3. C.E. D.E.
3 3 3

Cho ham s8 bac bon y=f (x) lién tuc trén R. Goi H 1a hinh phéng gidi han bdi do thi
(C ) y=f (x) (tham khao hinh vé bén dudi).

Ménh dé nao dudi day sai?

AS, =j2\ (). B. S, =i\ f(x)‘dx+J:.‘ f(x)‘dx+j‘ ().
C.s, =__}2 f(x)dx+:[ f(x)dx—Jj f(x)ar.  D.S,- j £(x)da|+ j £()el.

Trong mit phiang cho dudng tron (C) va parabol (P) (tham khao hinh vé dudi day).




Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Dién tich phan t6 dam (lam tron dén chir s6'hang phiin tram) bang
A. 11,04. B. 12,04. C.9,13. D. 13,13.
Dién tich hinh phang giéi han boi d6 thi ham s8: y=x’—2x’-2x+1 va duong thang
y=-x-1la:
N4 5.2, ¢t 0.5
12 4 3 12
Dién tich S cta hinh phidng D duoc gidi han boi parabol (P): y=x’—2x va dudong thang
d:y=x+4 xdc dinh boi cong thic nao dudi day?

A. S:ﬂi(x2—3x—4)2dx. B. S:j'(—x2+3x+4)dx.
-1 -1

C. S:}(x2—3x—4)dx. D. S:j‘(—x2+3x+4)dx.
-1 1

Biét d6 thi ham sd bac ba f(x) cat duong thing g (x) tao thanh cac hinh phang c6 dién tich
S,,S, nhw hinh vé bén duéi:

Tinh I = j.( f(x)—g(x)+2)dx.

A.1=S5-S,+2. B. 1=§+§,+8. C.1=§-5,+8. D. 1=S5+S,+2.
Ki hieu S(t)la dién tich hinh phing gi6i han boi cic  duong
y=2x+1,y=0,x=1 x=t,(t>1). Tim t & S(t)=10.

A.t=4. B. t=13. C.t=3. D.t=14.
Cho méanh dat hinh vudéng ABCD c¢6 canh bang 40m, M, N,I lan luot la trung diém

AD, BC, AB. Biét duong cong la parabol dinh I (tham khao hinh vé).

Dién tich phan t6 dam (lam tron dén chit s6 hang phin trim) bang

A. 203,15 m”. B. 487,59 m’. C. 601,25 m>. D. 450,35 m”.
Cho ham y=F(x) la mot nguyén ham ctia ham s8 y = f (X), biét do thi ham s6 y = f (x)
trén doan [—2;2] nhu hinh vé ¢ bén dudi va cé dién tich S, =S, = Q, S, = 76

15’ 2 15°



Gia tri ctia biéu thiee F(2)+F (1) F(-1)- F(-2) bang
32
A.Izﬁ. B.l=—. C.I=§. D.I=—g.
5 15 5 15
Cau 11: Tinh dién tich hinh phang duoc danh d&u trén hinh duéi:

28 1 18 2
A S=—. B.S=3v2--. C.S=—. D. S=2J3-—.
3 V2 3 3 V3 3

Cau 12: Cho hinh phéng (H) gi6i han boi d6 thi ham s6 y:x_—; va hai duong thing y=2,
X+

y =—x+1 (tham khao hinh vé).

Tinh dién tich S cta hinh phéng (H).
A. S=8+3In3. B. S=8-3In3. C. S=3In3. D. S=-4+3In3.
Cau 13: Trong mat phang cho elip va hai deong thang nhu hinh vé bén dudi:
v

3 10 :
i

O------------- T O = e ©

Dién tich phan khéng t6 dam (lam tron dén chir s6 hang phin trim) bang
A. 1203,15 m*. B. 1350,25 m”. C. 1530,58 m’. D. 1450,35 m’.



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Trong dot hoi trai “Khi t6i 18” duogc t6 chirc tai truong THPT X. Poan truong c6 thuc hién
mot du 4n anh trung bay trén mot Pano c6 dang hinh parabol nhu hinh vé.

dm

D C

4m
Biét rang Doan truong X s& yéu cau cac 16p ghi anh du thi va dan 1én khu vuc hinh chit nhat
ABCD, phan con lai sé dugc tranh tri hoa van cho phtu hop. Chi phi dan hoa van 1a 200.000
dong cho 1m?. Héi chi phi thap nhat cho viéc hoan tat hoa véan trén Pano sé 1a bao nhiéu ?
A.1.230.000 dong.  B. 900.000 dong. C. 1.232.000 dong. D. 902.000 dong.
Cho hinh phang (H) (phan gach dam) nhu hinh vé bén dwdi:

£
y

Tinh dién tich hinh phang (H).

Al B. gIn3—2. C. gIn3—§.
2 2 2

Cho ham s§ y = f(x). D6 thi ham s8 y = f'(x) nhu hinh bén.
bat g(x)=2f(x)-(x +2)2 . Khang dinh nao sau day dung?

A. g(0)>g(-2)>¢(1). B. g(1)> g(-2)>g(0).

C. g(-2)>g(1)>g(0). D. g(0)>g(1)>g(-2).

Y

Cho ham s6 y =ax* +bx® +cx?* +dx+e, (a=0) c6 do thi (C) va duong d:y=mx+n cat d6
thi (C) tai cac diém c6 hoanh d6 Ian lwot 1a —-2; —1; 0; 1. Biét ré“mg hinh phrfmg gioi han boi
(C), d va duong thang X =-2, Xx=0 c6 dién tich bang 1.



Cau 18:

Cau 19:

Cau 20:

/ b 3
%10 1

Dién tich hinh phang giéi han boi d6 thi (C), duong thang d, truc tung va duong x =1 bang

A L B 9. c B p. 1.

30 30 30 15
Nguoi ta xay san khdu véi mdt san c6 dang hop cua hai duong tron giao nhau. Ban kinh ctia
hai hinh tron Tan luot la 20m va 15m. Khoang cach gitta hai tdm cta hai hinh tron la

30m .Chi phi lam mdi mét vudng phan giao nhau cta hai hinh tron 1a 300 nghin déng va chi
phi 1am moi mét vudng con lai 1a 100 nghin dong. Hoéi s6 tién lam mét san san khau gan véi
s0 nao trong cac s6 dudi day?

A. 202 triéu dong. B. 208 triéu dong.  C. 218triéu dong.  D. 200 triéu dong.

Véi moi m thi dwong thang d:y=mx+2 ludn cat parabol (P):y=X+1 tai hai diém phéan
biét c6 hoanh dd X, X,. Tim m dé€ dién tich ctia hinh phéng giéi han bdi d va (P) la nho
nhat.

3

A. m=0. B. m=—. C.m:4. D. m=4.

Wb

Cho ham sd bacba y = f(x) co d6 thi 1a duwong cong trong hinh bén dudi:
l

y |

Biét ham s6 f(x) dat cuc tri tai hai diém x, X, théaman x, =x +4 va f(x)+ f(x,) =0. Goi

S, va S, la dién tich ctia hai hinh phang dwoc gach trong hinh bén. Ti s6 % bang
2

A. B.

w| o
gl w

C. 1. D. E
4

HET
Hué, 15h00’ Ngdy 11 thdng 02 nim 2022
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DIEN TiCH HINH PHANG

Cau 1: Cho hai ham s6 y=f(x) va y=g(x) lién tuc trén doan [b;a] . Goi D la dién tich hinh

DE ON TAP SO 4 _TrNg 2022

phing giéi han boi cdc d6 thi ham s§ y=f(x),y=g(X)va hai duong thang
x=a,x=b (a>b), dién tich ctia D duogc tinh theo cng thtrc ndo dudi day?

b b b
A. j(f(x)—g(x))dx . B. S=If(x)dx—jg(x)dx.
b a
C. Hf(x)—g(x)}dx. D. I|f(x)—g(x)|dx.
a b
Cau 2: Dién tich hinh phing giéi han béi &6 thi ham s§ y =—x*+4, truc hoanh va cac duwong thang
x=0, x=3 la
A. g B. 3. C. § D. §
3 3 3
Loi giai
Phuong trinh hoanh d6 giao diém giita (P):y =—x’ +4 va truc hoanh:
=2¢€(0;3
X +4=0< x=2¢(0:3) :
x=-2¢(0;3)

Véy dién tich hinh phéng 1a:
S= ” X +4‘dx+_ﬂ X +4‘dx =

s {5+

= Chon dap an D.
Cau 3: Cho ham s0 bac bon y=f (x) lién tuc trén R. Goi H la hinh phang gi6i han boi do thi
(C):y = f(x) (tham khao hinh v& bén dudi).

j'( X2 +4)dx + Jj(—xz +4)dx

452

2

+

0



A S, = [|f(x)dx. B.s, =_}2\ f(x)\dﬂi\ f(x)‘dx+Jj‘ ().

-2

+

C.s, =_f2 f(x)dx+j; f(x)dx—j f(x)ar.  D.S,= j £(x)ax j £(x)ax

Cau 4: Trong mat phang cho duong tron (C ) va parabol (P) (tham khao hinh vé dudi day).

Dién tich phan t6 dam (lam tron dén chit s6 hang phin trim) bang
A. 11,04. B. 12,04. C. 9,13. D. 13,13.

.....




y=v4-x
y:—\/4—x2.
Goi (P): y=ax’ +c (Do (P) d6i xing qua Oy)

: _ 1
a6 {A(O,l)e(P)—)C—l a

=5 1
-VA P . = — 2 1.
B(2,3)e(P)—da+c=3" | _1 ay (P)iy=5x"+

Phuong trinh duong tronla x* +y* =4 < {

Xy’ =4 2 2
=—4+27 >0
Xét hé phuong trinh: 1 =x° +(lx2 +1J =4 [x V7
2 2

y=gx +1 Xr=—4-2J7 <0
- x=~-4+247
x=—-4+2:7

427
Dién tich can tinh 1a S=4r-2 I {\/4 —x* —(%xz + 1j}dx ~11,04.
0
= Chon dap an A.
Cau 5: Dién tich hinh phing giéi han béi d6 thi ham s&: y=x’-2x*-2x+1 va duong thing
y=-x-1la:
A.3—7. B.g. C.g. D.i.
12 4 3 12
Loi giai:
x=1
Xét phuong trinh x° —2x* —=2x+1=-x-1 <& x*-2x* -x+2=0<| x=-1.
X=2
Ta c6 dién tich hinh phang dwoc gi6i han boi hai d6 thi ham s& h(x) va g(x) bang
2
S =Hx3—2x2—x+2 dx==8,2_3"
’ 3 12 12

= Chon dap dan A.
Cau 6: Dién tich S cua hinh phang D duoc gi6i han boi parabol (P): y=x’-2x va duong thang
d:y=X+4 xac dinh boi cong thirc nao duwdi day?

A. S=ﬁi(x2—3x—4)2dx. B. S=f(—x2+3x+4)dx.
he O

C. S:j(x2—3x—4)dx. D. S=i(—x2+3x+4)dx.

Loi gid_ii 1

Phwong trinh hoanh d6 giao diém caa (P) va d

x=-1

x2—2x:x+4<:>x2—3x—4:0<:>{ )
Xx=4

Suy ra S :j.‘xz—3x—4‘dx:j'(—x2+3x+4)dx (do x*—3x-4<0, Vxe[-1;4]).
-1 -1

= Chon ddp dn B.



Cau 7:

Cau 8:

Cau 9:

Biét d6 thi ham s6 bac ba f(x) cat dwong thang g(x) tao thanh cac hinh phéng c6 dién tich

S,,S, nhuw hinh vé bén dudi:

2

Tinh I=J'(f(x)—g(x)+2)dx
-2
A.1=S5-S5,+2. B. 1=S5+8§,+8. C.1=§-5,+8.
Loi giai:
2 2

Ta co: | =_J;(f (x)—g(x)+2)dx=:[2(f (x)—g(x))dx+:f222dx

_I dx+f )—9(x))dx+8=S,-S, +8.

:>Chon dap an C.

Ki hieu S(t)la dién tich hinh phang gidi
y=2x+1,y=0,x=1 x=t,(t>1). Tim t 4¢ S(t)=10.
A.t=4. B. t=13. C.t=3.

Loi gidi:

Taco S(t .[|2X+].|dx Do xe[Lt], t>1 nén 2x+1>0.

Khi d6: S(t)=|(2x+1)dx = (x2+x)|§:t2+t—2.

._\t_,.-.

t
Dé& S(t)=10 thi t2+t—2:10<:>t2+t—12:O<:{

Do t >1nén t =3 thda man.
= Chon ddp dn C.

D. 1=S5+S,+2.

han  boi

D.t=14.

cac

duong

Cho méanh d4t hinh vudéng ABCD c¢6 canh bang 40m, M, N,I lan luot 1a trung diém
AD, BC, AB. Biét duong cong la parabol dinh I (tham khao hinh vé).



Dién tich phan t6 dam (lam tron dén chir s6'hang phiin tram) bang
A. 203,15 m’. B. 487,59 m”. C. 601,25 m?. D. 450,35 m”.
Loi giai:

Do (P) ¢6 dinh1a A(0;40) va qua B(20;0) nén (P):y =—%x2 +40.

1,
=—— =10~2
Xét hé phuong trinh: {Y~ 10 A0 2 00| V2 :
_ x=-10y2
y=20
1042 1 20 1
Dién tich can tinh 1a §=2| [ | -—x*+40-20 |dx+ [ |20—| ——x*+40 | |dx|~487,59 m’.
0 10 o3 10
= Chon ddp dn B.
Cau 10: Choham y=F (X) la mot nguyén ham ctia ham s6 y = f (X), biét &6 thi ham s6 y=f (X)
trén doan [-2;2] nhu hinh vé& ¢ bén dudi va cé dién tich S, =S, = %, S; = %
Gi4 tri cua bidu thiee F(2)+F(1)—F(-1)—F(-2) bang
32
A.Izﬁ. B. l=—. C.|=§. D.I:—g.
5 15 5 15



.....

Vay co:
F(2)-F(1)+2[F(1)-F(-1)]+F(-1)-F(-2) =

_108_36
15 5

22 76 22 108
___|_2 —

15 715 15 15
& F(2)+F(1)-F(-1)-F(-2)

= Chon dap an A.
Cau 11: Tinh dién tich hinh phang duoc danh dau trén hinh dudéi:

. |

28 1 18 2
A S=—. B.S=3v2-—-. C.S=—. D. S=2J3——.
3 V2 3 3 48 3
Loi giai
Ta co Y=X2<:>X=i\/§,t&h‘mhvétatha’y x<0:>x:—\/§,
3 3 3
B _ 2 3 2 B 2
S_ﬂ—\/ﬂdy_!\/;dx_gx/x_l_5(3\/5—1)_2\/_—5.
= Chon dap an D.
Cau 12: Cho hinh phang (H) gi6i han boi d6 thi ham so y:X_—; va hai duong thang y=2,
X+

y =—X+1 (tham khao hinh vé).

Tinh dién tich S ctia hinh phang (H).



A. S=8+3In3. B. S=8-3In3. C. S=3In3. D. S=-4+3In3.
Loi gidi:
Duwra vao d06 thi ta co

S= :[:(:T_;—Zjdx+]:(—x+l— 2)dx = ]I—l—izjdwr]:(—x—l)dx

X+
:(_x—3|n|X+2|)E J{_X?Z_XJ

= Chon dap dn C.
Cau 13: Trong mat phang cho elip va hai duong thang nhu hinh vé bén dudi:

-1

=3In3.

-3

YA
20

SOt 111 e e

| 10[ |

J O \40

) \ X
1 10, 1

S — °

Dién tich phan khéng t6 dam (lam tron dén chir s6 hang phin trim) bang

A. 1203,15 m*. B. 1350,25 m’. C. 1530,58 m’. D. 1450,35 m”.
Loi giai:
2
y=[400[ 1--—2
L, . Coxt v’ 1600
Elip c6 phuong trinh la: +——=1l< .
1600 400 2
y=—|400| 1-
1600
y=10
=203
Xét hé phuong trinh: < 2 42 . = {x \/\;_
+=—= =-20+/3
1600~ 400 *

2043 2
Liic d6: S, =40207~4 [ | [400[ 1-—— | -10 |dx ~1530,58.
» ) 1600
= Chon dap an C.

Cau 14: Trong dot hoi trai “Khi t6i 18” duoc to chic tai truong THPT X. Doan truong ¢ thuc hién
mot du 4n anh trung bay trén mot Pano c6 dang hinh parabol nhw hinh vé.

dm

dm



Biét réng Poan treong X sé yéu cau cac 16p gtii anh duw thi va dan 1én khu vy hinh cht nhat
ABCD, phan con lai sé dugc tranh tri hoa van cho phtut hop. Chi phi dan hoa van 1a 200.000
dong cho 1m?. Héi chi phi thap nhat cho viéc hoan tat hoa véan trén Pano sé 1a bao nhiéu ?

A. 1.230.000 dong. B. 900.000 dong. C.1.232.000 dong. D. 902.000 dong.

Loi giai:

/ D 0o cC \:c
Chon hé truc toa d0 Oxy nhw hinh vé, khi d6 ta duwoc phuong trinh cua parabol la

y=—x>+4.
Goi C(x;0)(0<x<2)=D(-x;0), B(x;—x2 +4),A(—x;—x2 +4).

Ta c6 dién tich ctia Pano la j;(—xz + 4)dX = 3—:(m2).

Dién tich hinh chit nhat ABCD 13 S5 = CD.BC = 2x.(~X +4).
Chi phi dén hoa vén thap nhat khi va chi khi dién tich hinh chit nhat ABCD 16n nhat.

32J_

Xét ham sd f(x) = 2x.(—x2 +4) xe(0;2) c6 Max f(x)=

32 3243

Chi phi thdp nhat cho viéc dan hoa van la [? —TJ 200000 =~ 902.000 dong.

= Chon dap an D.
Cau 15: Cho hinh phang (H) (phan gach dam) nhu hinh vé bén duéi:

s
y

&
‘\\
o

Tinh dién tich hinh phang (H).

Al B. gIn3—2. C. gIn3—§. D. gIn3+2.
2 2 2 2

Loi giai:
3

Ta cé: dién tich can tim 1a S = j x In xdx
1



Cau 16:

Cau 17:

1
=—dx

u=Inx 2 3 31x? 2|3

bat = X khido’:S=X—Inx —le—dx=gln3—lx— =gln3—2.
dv = xdx v NG 2 1 <x 2 2 221 2

1

= Chon dap an B.
Cho ham s8 y = f(x). D6 thi ham s y = f'(x) nhuw hinh bén.

bat g(x)= 2f(x) —(x+ 2)2 . Khang dinh nao sau day ding?

A. g(O) > g(—Z) > g(l). B. g(l) > g(—2) > g(O).
C. g(-2)>g(1)>g(0). D. g(0)>g(1)>g(-2).
Loi giai
x=-2
Ta co g( ) 2f( ) (x+2) 2[f'(x)—(x+2)]; g'(x)0<:>f'(x)x+2®{x_§) .
Bang bién thién:
X |—o -2 0 1 +00
g(x)) - 0o 4+ 0 - 0 +

2(x)| g(_z)/g(o)\ 5(1)

Y

Suy ra g(—2) < g(O) va g(l) < g(O).

0

1
Theo hinh vé I[f’(x)—(x+2)]dx > I[(x+2)—f ( )de & — Ig dx > ——Ig
) 0
< g(x), > ~s(x)], = 8(0)~5(-2) > ~g(1) + 5(0) = 5(1) > 8(-2). Vay 5(0)>5(1)>5(-2).

= Chon dap an D.

Cho ham s6 y =ax* +bx® +cx* +dx+e, (a=0) c6 do thi (C) va duong d:y=mx+n cat d6
thi (C) tai cac diém c6 hoanh d6 Ian luot 1a —2; —1; 0; 1. Biét rang hinh phang gii han boi
(C), d va duong thang X =-2, Xx=0 c6 dién tich bang 1.

i

vl O 1

X




Cau 18:

Dién tich hinh phang gi6i han boi d6 thi (C), duong thang d, truc tung va duong x =1 bang

L B 9. B D 2.
30 30 30 15
Loi giai:

Theo bai ra phrrong trinh ax* +bx® +cx® + dx+e=mx+n c6 4nghiém phan biét —2;-1;0;1.
o f(x)=ax" +bx’+cx* +(d —m)x+e—n=0 c6 4 nghiém phéan biét —2;-1;0;1.

Suy ra f(x)=a(x+2)(x+1)(x—0)(x—1) =ax(x+2)(x +1)(x-1).

Goi S, la dién tich hinh phéng gioi han boi (C), d va duong théng Xx=-2, x=0 tacod

S, :i‘ f (x)‘dx=|a|_(|]x(x+2)(x+l)(x—1)}dx =leoal.l=1e[a]=1.

Vay dién tich S cantim1a S =hf (x)‘dx:hx(x+2)(x+1)(x—1)‘dx:%.
0 0

= Chon dadp dn B.

Nguoi ta xay san khdu véi médt san c6 dang hop cua hai duong tron giao nhau. Ban kinh ctia
hai hinh tron Tan luot la 20m va 15m. Khoang cach gitta hai tdm cua hai hinh tron la
30m .Chi phi lam mdi mét vudng phan giao nhau cta hai hinh tron 1a 300 nghin déng va chi
phi lam moi mét vudng con lai 1a 100 nghin dong. Hoéi s6 tién lam mét san san khau gan véi
s0 nao trong cac s6 dudi day?

A. 202 triéu dong. B. 208 triéu dong.  C. 218triéu dong.  D. 200 triéu dong.

Loi giai:
A
J
i

Goi |,J Tan lwot 1a tdm cua hai duwong tron ban kinh20m, 15m..

Goi A, B la giao cua hai dwong tron.

Chon hé truc toa dd Oxy sao cho Oy trung IJ va Ox song song véi AB va | la gdc toa do
(nhw hinh vé).

Khi d6 duong tron tam | ban kinh R =20m cé phuwong trinh x* +y* =400

Vi khoang céch gifta hai tam ctia hai hinh tron 1a 30m nén J (0;30) . Do d6 dwong tron

tam J (0;30) bén kinh R =15m ¢6 phwong trinh x* +(y —30)° = 225.
Khi d6 phan chung ctia hai duwong tron gidi han boi {y =/400—x?;y =30—+/225— x* } :




4 4~/455

X=x
Xét hé y= 400 — X 12
y =30—+225- X2 _215
12

Dién tich phan chung cta hai duong tron 1a

5./455

12
s= | (\/400—x2 22532 —30)dxz 60,2 .
~5+/455

12
Dién tich riéng ctia hai duwong tron la S, = 6257 —2S, = 6257 -120,4.

SG tién chi phi 1a 3000008, +100000S, ~ 300000.60, 2 +100000. (6257 —120,4) ~ 202369540 .
Vay s0 tién lam mat san san 1a gan 202 triéu dong.
= Chon dap an A.

Cau 19: Vi moi m thi dwong thang d:y=mx+2 ludn ct parabol (P):y=X*+1 tai hai diém phéan
biét c6 hoanh dd X, X,. Tim m dé€ dién tich ctia hinh phéng giéi han bdi d va (P) la nho

nhat.

A . m=0. B.m:ﬂ. C.m=§. D. m=4.
3 4

Loi giai:

Yy =mx+2

.l'll () €I'o \ -
P \ 2 _ .

do

—_
>
|
<
SN~—"
l—_|
OOIH
—_
—
g
_I_
><
\-/
<
S~
—
<
_I_
x
SN~—"
| I

= Chon ddp dn A.
Cau 20: Chohamsdbacba y= f(x) co do6 thila duwong cong trong hinh bén dudi:



I
9/ 1 \ ‘; f
H \ ,"
f
' /
\ ! /
\y/

Biét ham s& f(x) dat cuc tri tai hai diém x, X, thoaman x, =x, +4 va f(x)+ f(x,)=0. Goi
S, va S, la dién tich ctia hai hinh phang dwoc gach trong hinh bén. Ti s6 3. bang
2

A. E B. C. 1. D. E
3 4

Loi giai:
Cach 1:
Goi f(x)=ax’+bx*+cx+d, (véi a>0,a,b,c,deR)= f'(x)=3ax*+2bx+c

o1 w

Theo gia thiét ta co:
f'(x)="f'(x)=0= f'(x)=3a(x—x)(x—X,)=3a(x—x)(x—x —4)
=3a(x-x) ~12a(x—x,).

J.f x)dx=a(x-x) —6a(x—x) +C
f(x1)+f(x) O<:>f( )+ f (% +4)=0<>C+(64a—96a+C)=0<C =16a

vay f(x)=a(x—x) —6a(x—x)" +16a.
S,+$S, la dién tich hinh chit nhat c6 cic kich thudcla2va f(x)=16a=S,+S,=32a

3

X +2
S, = J‘ f (x)dx =20a. Suy ra 81=12a.VéyS—2 c

X

Cidch 2:

Két qua bai toan sé khong doi néu ta tinh tién do thi ctia ham sd da cho sang trai sao cho
diém udn trung véi gdc toa dd O.

Goi g(x)=ax’+bx*+cx+d, a>0 l1a ham s& d6 va ta thay db thi ctia ham s& g(x) d6i xtng

nhau qua gdc toa dd O nén g(x) lahams6lé =b=d =0= g(x)=ax’+cx
g(x) cé hai cuctrila 2,-2 nén g'(2)=9'(-2)=0=12a+c=0=c=-12a.

Vay g(x)=ax’-12ax.
S, +S, la dién tich hinh chi nhat c6 cac kich thwdcla2 va ¢ (—2) =16a=S,+S, =32a.
3
S, = dX 20a.Suyra S, =12a.Vay L =—.
I X Y ¥s, 75

:Chon ddp dn B. )
HET
Hué, 15h00’ Ngay 11 thdng 02 nim 2022
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Cau 1: Cho d6 thi y = f(x) nhu hinh vé sau day:

Dién tlch ctia hinh phéng dwoc gach chéo trong hinh vé la

1

A.S= j f (x)dx. j f (x)dx + j f (x)dx .
C. S=—.1[f(x)dx+jf(x)dx. D.S=j[f(x)dx—jf(x)dx.

Cau 2: Chohamsd y=f (X) lién tuc trén doan [—5; 6] cO d6 thi nhu hinh vé bén dudi:
yA

xvy

0
Gi4 tri ctia I f (x)dx bing
s

A2 B 12 c i p. 13
2 2 2 2
Ciu 3: Dién tich hinh phéng duoc gidi han boi d6 thi ham s8 y = e, truc hoanh va hai dwong théng
x=0, x=31a
6 6 6 6
ALt B &1 c& 1 p &1

2 2 3 3 2 2 3 3



Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cho ham s6 y=f (X), y=g (X) lién tuc trén doan [a;b]. Dién tich hinh phéng gidi han boéi
d6 thi ham s8 y = f (x), y = g(X) va cac duwong thang x=a, x=b 1a

b b
A.S:I(f(x)—g(x))dx. B.S:_ﬂf(x)—g(x)‘dx.

b b
C.S= j(f (x)-g(x))dx]. D. S :j(‘f(x)‘—‘g(x)‘)dx.

Dién tich hinh phing gidi han boi d6 thi ham s8 y =+/1+3x, truc OX va hai dudng thing
x=0,x=1 bang

1 1 1 1
A. I(1+3x)dx B. J.\/l+3xdx. C. 7Z'I\/1~F3XdX. D. ﬂJ.(l+3X)dX-
0 0 0 0

Cho ham s& y = f (x) lién tuc va c6 d6 thi trén [-3;5] nhu hinh bén.

Biét cic mién A, B, C c6 dién tich lan luwgtla S, =188,S, = 13477 ,Se = 2673 . Khi d6
5

J'[f (x)+1]dx bang

3

A. 520. B. 24—217 C.-504. D. %01

1 2
Cho d6 thi y=f(x) nhu hinh vé sau day. Biét rdng I f(x)dx=a va If(x)dx=b. Tinh
-2 1

dién tich S ctia phan hinh phang dwoc t6 dam.

1
\ /\
2 Q 1 X =
A.S=-a-b. B.S=a+b. C.S=b-a. D. S=a-b.

Goi S 1a dién tich hinh phang gi6i han boi cic duong y=x’+2x+Ly=m(m<0)va
Xx=0;x=1.Tim M sao cho S =4.

A.m=§. B.m=—§. C.m:—§. D. m=-4.
3 3 5



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Ong A da cai tao mot miéng d4t thanh hinh elip. Elip nay cé d dai truc 16n 1a 12 mét. Trong
elip c6 mot duong tron di qua cac dinh trén truc nho va céc tiéu diém F,F,.Ong A mudn
trong co6 May Man cho manh dat 1a phan bén trong Elip va bén ngoai duong tron. Biét rang
chi phi cho viéc trong c6 May Man la 60 nghin dong trén mot mét vudng. Hoi tong chi phi
trong c6 May Méan gan nhat véi 8 tién nao sau day?

Trong co Tréng co

A. 2811 nghin dong.  B. 1405 nghin dong. C. 447 nghin dong.  D. 895 nghin dong.
Tinh dién tich ctia hinh phing (dwoc td dam) giéi han boi hai duong y = 2x%, y* = 4x.

A s=2%. B. 5= cs=2 D.s=2,

3 3 3 3
Dién tich hinh phing giéi han béi hai d6 thi ham s6 y = x*>—2x?+1 va y=x*+11a
A 5= B.s=2". C.5=6. D.s=2.

4 4 4

Cho ham s6 bac ba f (x)cd d6 thi nhuw hinh vé bén. Biét d6 thi ham s6 f (x) cit truc
hoanh tai ba diém phan biét c6 hoanh d6 x,, x,,x, thod man x, = x, +2+/3 va x,x,, x, theo

thi ty 1ap thanh mot cap s6 cong. Dién tich hinh phang gach soc trong hinh vé b??mg
Ui

Y| N——

Ol 11 I €T3 xr

A. 643 B. 446 C. 43, D. 6.



Cau 13: Chohaihamso y=f (X) ,¥Y=0 (X) 6 dao ham lién tuc trén R . Biét rang d6 thi ctia hai ham
sO nay cit nhau tai hai diém cé hoanh d6 Ian luot 13 1 va 2, phéan hinh phéng gach soc gidi
han boéi hai d6 thi da cho va hai duong théng Xx=1, x=2 cb dién tich bé”mg 4 va

ig(x)dx:7.

y A g(x)
|
|
|
|
! |
: |/(1}
| |
I |
P ) S
0 1 9 X
Ménh dé nao sau day dung?
2 2 2 2
A. If(x)dx:15. B. If(x)dx:ll. C. If(x)dx:22. D. If(x)dx:S.
1 1 1 1

Cau 14: Hinh gidi han boi mot duong parabol va mot nita duong tron tam O ban kinh béng J2
(phan gach soc) trong hinh vé bén c6 dién tich bang

1A§+Z D —+—
3 2 3 2

Cau 15: Cho duong cong (C ) :y=x". Xét difm A c6 hoanh d6 duong thudc (C ), ti€p tuyén caa (C )

tai A tao véi (C) mot hinh phang cé dién tich bang 27. Hoanh do diém A thudc khoang

nao dwdi day?
Ao L] B.[L.1]. c. 1.2
2 2 2
Cau 16: Dién tich hinh phang gi6i han voi d6 thi hai ham s6 y = ‘Xz —4x+ 3‘ va y=3-X bang
Al B. 2. ez D. 2.
3 2 6

Cau 17: Cho hai ham s6 f(x)=ax® +bx+c,g(x) =bx3+ax+c, (a>0) c6 d6 thi nhuw hinh vé bén dudi:



Cau 18:

Cau 19:

Goi S, S, la dién tich hinh phang dwoc gach trong hinh vé. Khi S;+S, =3 thi I; f (x)dx
bang

A. 3. B. -3. C. 6. D. 6.

Cho ham s6 y =ax* +bx’ +¢, (a=0) c6 d6 thi (C) va tiép tuyén d ctia d6 thi (C) tai diém co
hoanh d§ x=-1, cat (C) tai hai giao diém con lai c6 hoanh biang x=0, x=2 (tham khao
hinh vé).

Biét rang hinh phang gi¢i han boi (C), d va duong thang x=0, x=2 c¢6 dién tich bang 28/5.
Tinh dién tich hinh phang gi6i han boi d6 thi (C), duong thang d va x=0, x=-1.
NS B. 2. cl D 2.

5 5 5 12
Mot khuodn vién dang nira hinh tron, trén d6 nguoi thiét k&€ phan d€ trong hoa cé dang cua
mot canh hoa hinh parabol ¢ dinh trung véi tam va cd truc d6i xting vudng goc voi duong
kinh ctia ntra hinh tron, hai dau mut ctia cdnh hoa ndm trén nita duong tron (phan t6 mau) va
cach nhau mot khoang bang 4m. Phan con lai ctia khudn vién (phan khong t6 mau) danh dé
trong c6 Nhat Ban. Biét cac kich thudc cho nhu hinh vé, chi phi d€ trong hoa va c6 Nhat Ban
tuong tng 1a 150.000 dong/m?* va 100.000 dong/m?. Hoi s& tién can dé trong hoa va trong co
Nhat Ban trong khuon vién dé gan nhat véi s6 nao sau day?

-_

7

A. 3.739.000 (dong). B.1.948.000 (dong). C. 3.926.000 (dong). D. 4.115.000 (d6ng).




Cau 20: Cho ham s& y=—x*+mx* c6 do thi (Cm) vdi tham s6 m >0 dwoc cho nhw hinh vé. Gia st

(Cm ) cit truc OX tai ba di€ém phan biét nhu hinh vé bén duwdi:

' 0 "‘ T
|
| \
Goi S, va S, la dién tich cac mién duwoc gidi han boi d6 thi (Cm) va truc Ox. Biét m; la gia tri

1045

d€ S, +S, = — hoi m, thudc khoang nao sau day?

A. (15;30). B. (5:10). C. (0:3). D. (2;6).
HET
Hué, 11h00’ Ngdy 14 thing 02 nim 2022
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Cau 1: Cho d6 thi y = f(x) nhu hinh vé sau day:

Dién tlch ctia hinh phéng dwoc gach chéo trong hinh vé la

A.S _j f (x)dx. j f(x)dx+j f (x)dx .
C. S=—j.f(x)dx+if(x)dx. D.S:jf(x)dx—jf(x)dx.
Loi gidi: ; l ; 1

2 1 2 1 2
+C6 S = j|f(x)|dx = j| f (x)|dx+j|f(x)|dx = j f(x)dx+j(—f (x))dx.
-1 -1 1 -1 1
= Chon dap an D.
Cau 2: Chohamsd y=f (X) lién tuc trén doan [—5; 6] cO d6 thi nhu hinh vé bén dudi:
yA

Xy

0
Gia tri ctia I f (x)dx bang
C

zx%? B2 c D2

2 2 2

Loi gidi:



Cau 3:

Cau 4:

Ta cod

1 1 1 1
Syec =5 BC.AB=7.63=9; S, = DFEF=-12=1

1 1 3
Sreco =5(GO+EF)DO=—3.1=".
-1

0 -2 0
Khi d6: [ f(x)dx= [ f(x)dx—[ f(x)dx—[ f(x)dx =S oc~Spee —Sreco = 9—1—%:%.
-5 -5 -2 _
= Chon ddp dn D.
Dién tich hinh phang duoc gi6i han béi d6 thi ham s3 y =e”*, truc hoanh va hai duong thang
x=0, x=31a

6 6 6 6
ALt B &1 c& 1l p. &1

22 3 3 2 2 B
Loi giai:

Xét phwong trinh hoanh dd giao diém ctia d6 thi ham s6 y = e°*, truc hoanh Ox :
e”=0<x=0.

A ; \ % A ’ \ F 2X 3 1 6 96 1
Dién tich hinh phang can tinh 1a S = He = —(e —l) =53
0

0 2

: 2X 1 2X
dx:fe dx==¢e
5 2

= Chon ddp dn C.
Cho ham s6 y=f (X), y=g¢ (X) lién tuc trén doan [a;b]. Dién tich hinh phéng gidi han boi
d6 thihamsd y=f (X), y= g(X) va cac duong thang x=a, x=b la

b b
A. S:I(f(x)—g(x))dx. B. S=J.|f(x)—g(x)|dx.
a a
b b
C. S ={[(f(x)-g(x))dx|. D. S =[(|f (x)|-]g (x)[)dx.
a a
Loi gidi:
Dién tich hinh phang gi6i han boi d6 thi ham s8 y = f (x), y = g(X) va c4c duong thing
b
X=a, X=b dugc tinh theo cong thirc S :Hf (x)—g(x)fdx.
a

= Chon ddp dn B.



Dién tich hinh phing gidi han boi d6 thi ham s8 y=+/1+3x, truc OX va hai dudng thing
x=0,x=1 bang

1 1 1 1
A. I(1+3x)dx B. J.\/l+3xdx. C. zI\/1+3xdx. D. zj(1+3x)dx.
0 0 0

Cau 5:

Loi gidi:

S= ﬂ\/1+ 3x\dx - j\/1+ 3xdx.
0 0

= Chon ddap dn B.
Cau 6: Chohamso y= f(x) lién tuc va c6 d6 thi trén [-3;5] nhw hinh bén.

Biét cic mién A, B, C c6 dién tich lan luotla S, =188, S, 13477 S = 2673 . Khi do
5
J'[f (x)+1]dx bang
%3
A. 520. B. 24—217 . C. -504. D. %01 .
Loi gidi:
5 5 5 a
j[f(x)+1]dx:jf(x)dx+Idx:If dx+I dx+j X)dx+8=S, —S, +S. +8
73 3 3
1377 2673

=188 ———+ ——+8=520.
4 4

= Chon dap an A.

1 2
Cau 7: Cho db thi y=f(x) nhw hinh vé sau ddy. Biét ring [ f(x)dx=a va [ f(x)dx=b. Tinh
-2 1

dién tich S ctia phan hinh phang dwoc té6 dam.

/]
\ 8
E (@] 1 2 - )
A.S=-a-b. B.S=a+b. C.S=b-a. D.S=a-b.

Loi giai:



Cau 8:

Cau 9:

1 2
Tacod S =—j f(x)dx+jf(x)dx=—a+b.
-2 1
= Chon ddp dn C.
Goi S la dién tich hinh phéng giéi han bdi cac duong y =X*+2X +1;y:m(m<0) va
X=0;x=1.Tim m sao cho S =4.

A.m:§. B.m:—§. C.m:—g. D. m=-4.
3 3 5
Loi giai:

Dién tich hinh phang giéi han béi cac duong y=x"+2x+Ly=m(m<0)va x=0;x=1 la

S :_1”x2+2x+1—m|dx:j(x2+2x+1—m)dx (do m<0).
0 0
1

=4

1 3
Suyra S :4<:>j(x2+2x+1—m)dx=4<:>(%+x2+x—mxj

0 0

<:>1+12+1—m:4<:>m:—§.

= Chon ddp dn B.

Ong A da cai tao mot miéng dat thanh hinh elip. Elip nay cé do dai truc 1én 1a 12 mét. Trong
elip c6 mot duong tron di qua cac dinh trén truc nho va cac tiéu diém F,F,.Ong A mudn
trong co6 May Man cho manh dat 1a phan bén trong Elip va bén ngoai duong tron. Biét rang
chi phi cho viéc trong c6 May Man la 60 nghin dong trén mot mét vudng. Hoi téng chi phi
trong c6 May Méan gan nhat véi 8 tién nao sau day?

Trong co Trong co

A.2811 nghin dong.  B. 1405 nghin dong. C. 447 nghin dong.  D. 895 nghin dong.
Loi giai:

]
M‘}




Cau 10:

Cau 11:

Gan hé truc toa d6 Oxy nhw hinh vé.
2 2

Phuong trinh elip X—2 + y—2 =1véi a>b >0 va phuong trinh duwong tron x* +y* =R
a

2
Do dai truc lon la 12 mét, suy ra a=6.

Vi duong tron di qua cac dinh trén truc nho va tiéu diém cua elipnén b=c=R.

Do d6 ¢ =a? —h? < 2¢* =a® < 22 =36 = c =32

Téng chi phi dé trong co May Man 1a

6 2 32
T = 4.[3\/5 [ /1—;—6 dx— [ V18-x’ de.BOOOO ~1405 nghin dong.
0 0

= Chon ddap dn B.
Tinh dién tich ctia hinh phang (dwoc td dam) giéi han boi hai duong y = 2x%, y? = 4x.

27

A S=— D. S=
3

W

Loi giai:
Theo hinh vé ta cé y? =4X < y = 2X .
Xét phuong trinh hoanh dd giao diém ctia hai dwong y =2x°,y = 2/x
x=0 x=0
2x* =2\x = Vx & { .
Jx =1 x=1

Duta vao d6 thi, dién tich ctia hinh phang can tinh la
1
2 2
S =[(2Jx-2x*)dx = X——=X
flai-e o555

= Chon dap dan D.

3

0

Dién tich hinh phing gi¢i han béi hai d6 thi ham s6 y = x> —2x?+1 va y=x*+11a

A s=189 B.s=2L. C.S=6. D.s=3.
4 4 4
Loi gidi:
Phuong trinh hoanh d0 giao diém ctia hai d6 thi da cho 1la
x=0 .

x3—2x2+1=x2+1<:>x3—3x2=0<:{ . Vay dién tich hinh phing can tm Il
3 1 > o7

S= j‘ -2x+1) (x2+1)‘dx:—j(x3—3x2)dx: ( x4—x3j _2r
. 4 , 4

= Ch(_)n dap an B.



Cau 12: Cho ham sg bac ba f (x)cd d6 thi nhuw hinh vé bén. Biét d6 thi ham s6 f (x) cit truc
hoanh tai ba diém phan biét c6 hoanh d6 x,, x,, x, thod man x, = x, +2+/3 va x,x,, x, theo
thi tw 1ap thanh mot cap s6 cong. Dién tich hinh phiang gach soc trong hinh vé bé“mg

A B

Ol T Io / r3 T

A. 6/3. B. 44/6. C. 443. D. 6.
Loi giai:

Dién tich phan gach soc trén hinh la hinh phé’mg gidi han boi cac duong
y=+3,y=f (X), X=X, X=X,. Do do,

S :T(\@— f (x))dx:if\/édx—]§ f (x)dx:\/§(x3—x1)—j f (x)dx:6—]§ f (x)dx

X X X

3k -

Xét f(x)=ax’+bx*+cx+d. Theo viet c6 X +X, + X, =——
a

Mt khac X, X,, X, theo thi tw 1ap thanh cap s6 cong nén
b b S
X+ X+ X = (X + X )+ X, = 2%, + X, =3X, === =X, :—3—:>U (x,;0) la diém udn ctia d6 thi
a a
ham s6 da cho. Vi vay, truc hoanh cting v6i d6 thi ham s6 f (x) tao thanh hai hinh ¢6
dién tich bang nhau tire [ f (x)dx=~[ f (x)dx < [ f(x)dx=0. Vay S =6.
= Chon ddp dn D.
Cau 13: Chohaihamso y=f (X) ,¥Y=0 (X) c6 dao ham lién tuc trén R . Biét rang d6 thi ctia hai ham
s6 nay cat nhau tai hai diém c6 hoanh d6 Ian luot 1a 1 va 2, phan hinh phang gach soc gidi
han boi hai d thi da cho va hai duong thang x=1, x=2 c6 dién tich bang 4 va

ig(x)dx:Y.



Cau 14:

y A

\
s,
=
S

B R s
=Y

@)
Ménh dé nao sau day dtng?
A. if(x)dx=15. B. jf(x)dx=11. C. Tf(x)dx=22. D. if(x)dx:&
L(‘rilgidi 1 1 l
Tir hinh vé suy ra

—|g(x)dx=4

ﬂf (x)|dx = j[f (x)]dx=4@jf X

@j X)dx = 4+jg X)dx=4+7=11.

X
- C— N

= Chon dap an B.
Hinh giéi han boi mdt duong parabol va mot nira duong tron tam O bén kinh bang V2
(phan gach soc) trong hinh vé bén c6 dién tich bang

.....

Phuong trinh nhanh trén duong tron y =+/2—-x* . x=+1=y=1,
Parabol c6 dinh (0;-1) va di qua hai diém (-1;1), (1;1) c6 phuong trinh : y =2x* -1.

S =i[ﬂ—(2x2 —1)}dx_§+%

= Chon dap an A.



Cau 15: Cho duong cong (C ) :y=x". Xét difm A c6 hoanh d6 duong thudc (C ), ti€p tuyén caa (C )
tai A tao véi (C) mot hinh phang c6 dién tich bang 27. Hoanh d6 diém A thudc khoang

SO

nao dwoi day?

ot

Loi gidi:
Tacod y' =3x".
Der(C):A(a;aS), a>0.

Phuong trinh tiép tuyén d ctia (C) tai A la d:y=3a’(x—a)+a’ hay d:y=3a*(x—a)+a’.
Ta c6 phuong trinh hoanh d¢ giao diém cua d va (C) la

5 _n2fu 3 N2 _ x=a
x° =3a (x a)+a <:>(x a) (x+2a) 0 <:>L=_2a.

Goi S la dién tich ctia hinh phéng gidi han boi tiép tuyén d va (C).

Tacd S=27 < j ‘x3—3a2(x—a)—a3)dx:27
—2a

a
a

j (x3 —3a’x+2a’° )dx
—2a
=4/2

S N V2 :
4 a=—2 (ktma>0)

Vay a= V2.

= Chon dap an C.
Cau 16: Dién tich hinh phang gi6i han voi d6 thi hai ham s& y = ‘XZ —4X+ 3‘ va y=3-X bang

=27

—2a

f=—

4 2.2
DY ENELE S Y
4 2

Al B. 2. c = D. 2.
3 2 6
Loi gidi:
x=0
Xét phuwong trinh hoanh do giao diém: |x* —4x+3/=3-X < | x=2.
X=3

Khi &6 dién tich hinh phang giéi han boi hai d6 thi la:



‘ ) I 1 13
S:”(B—x)—‘x —4x+3de+_[Hx —4x+3‘—(3—x)‘dx:2+E:E.
0 2

= Chon ddp dn C.
CAu 17: Cho hai ham s6 f(x)=ax® +bx+c,g(x) =bx3 +ax+c, (a>0) c6 d6 thi nhuw hinh vé bén dudi:

Goi S;, S, la dién tich hinh phang duwoc gach trong hinh vé. Khi S;+S, =3 thi j; f (x)dx
bang
A. 3. B. -3. C.6. D. 6.
Loi giai:

N 3 A e N 3 3 X= il
Phuong trinh hoanh d¢ giao diém: (a—b)x” +(b—-a)x=0< (a—b)(x - X) =0 o

X=
Ky hiéu S, 1a dién tich hinh phang nhu hinh vé dudi.
Y

S, = J_Ol(f (x) = g(x))dx = (a—b)j_(’l(x3 —x)dx =%(a—b)

Cach 1: Ta co: . . 1 =35, =5,.
s, :jo(g(x)— f (x))dx = (a—b)jo—(x3—x)dx=z(a—b)

Vay S,+5,=3¢5,+S, =3 j:(g(x)— f (x))dx+j01—g(x)dx 3o jol f (x)dx = —3.



Cich2: S, = (f(x)-g(x)dx=(a-b)[ (x*-x)ix= %(a—b);

S, = —I:g(X)dx = —j:(bx3 +ax+c)dx Z_[%+%+Cj

Vi vay Sl+82=3c>%(a—b)—%—%—c:&:a+2b+4c=—12.
1 C(Yoa ~a b a+2b+4c
Suy ra jof(x)dx_jo(ax +bx+c)dx_z+§+c_T_—3.

= Chon dap dn B.
Cau 18: Choham sd y=ax*+bx*+c, (a=0) c6 do thi (C) va tiép tuyén d cta do thi (C) tai diém cé
hoanh d§ x=-1, cat (C) tai hai giao diém con lai c6 hoanh bang x=0, x=2 (tham khao
hinh vé).

Biét rang hinh phéng gioi han boi (C), d va duong théng x=0, Xx=2 c6 dién tich bang 28/5.
Tinh dién tich hinh phang giéi han boi d6 thi (C), duong thang d va x=0, x=-1.

A2 B. 2. c <. D. 2.
5 5 5 12
Loi giai:

Phuong trinh tiép tuyén cé dang d 1y =mx+n

Phuong trinh hoanh d6 giao diém cta d6 thi (C) va duong thang d la

ax' +bx* +c=mx+n < f (x)=ax*+bx* —mx+c-n=0 (1)

Theo bai ra phwong trinh (1) ¢6 3 nghiém x=-1, x=0, x=2 trong d6 X = -1 la nghiém
kép, suy ra f (x)=ax* +bx* —mx+c—n=a(x+1)" (x-0)(x-2) = ax(x+1)’ (x-2)

Goi S, la dién tich hinh phéang gi¢i han bsi (C), d va duong thang x=0,x=2 ta cé

§_S Hax (x+1)" (x— Z}d |a|H x(x+1)" (x— Z‘dx— 8a| =la|=1

Vay dién tich S can tim Ia S = _”f (x)}dx=Hx(x—2)(x+1)2}dx=%.
-1 0

= Chon ddp dn C.

Cau 19: Mot khudn vién dang ntra hinh tron, trén dé nguoi thiét ké phan d€ trong hoa cé dang cta
mot canh hoa hinh parabol ¢é dinh trung véi tam va cé truc do6i xtéing vudng goc voi duong
kinh ctia ntta hinh tron, hai dau mut ctia canh hoa ndm trén nita duong tron (phan td mau) va
cach nhau mot khoang bang 4m. Phan con lai ctia khudn vién (phan khong t6 mau) danh dé
trong co Nhat Ban. Biét cac kich thude cho nhu hinh vé, chi phi d€ trong hoa va co Nhat Ban
tuong ting la 150.000 dong/m* va 100.000 dong/m?. Hoi s& tién can dé trong hoa va trong co
Nhat Ban trong khuon vién dé gan nhét véi s6 nao sau day?



Cau 20:

,/«/r/ 7

7

A. 3.739.000 (dong). B.1.948.000 (dong). C. 3.926.000 (d6ng). D. 4.115.000 (dong).
Loi gidi:
Két hop vao hé truc toa d9, ta dugc:

' fmn
im »
'

i
2 @) 5 T

Goi parabol 1a (P):y=ax*. Do F(2;4)e(P) nén (P):y=x".
Goi duong tron c6 tam 6 gdc toa do 1a (C):x* +y? =R*. Do F(2;4) e(C) nén ntta duong

tron trénla y=+20-x* .

D3t S, 1a dién tich phian t6 dam. Khi do: S, = 2. joz(\/zo— XZ — X )dx = 20arcsin (@J +g .

bat S, 1a dién tich phan khong t6 dam. Khi dé: S, = %.E.RZ —S, =107 —20arcsin {g} —% .
Vay: S tién can dé trong hoa va c6 Nhat Ban la: T =150000.S,; +100000.S, ~ 3738574 (dong).
= Chon ddp dn A.

Cho ham s y =—x*+mx® c6 d6 thi (Cm) voi tham s6 m >0 dwoc cho nhw hinh vé. Gia st

(Cm ) cit truc OX tai ba di€ém phan biét nhu hinh vé bén dwdi:




‘S‘ 1 S")

\l/_ |

Goi S, va S, la dién tich cac mién duwoc gidi han boi d6 thi (Cm) va truc Ox. Biét m, la gia tri

de Sl+32:%,héi m, thudc khoang nao sau day?

A. (15;30). B. (5;10). C. (0;3). D. (2;6).

Loi giai:

Phuong trinh hoanh d¢ giao diém cua d6 thi ham s6 véi truc hoanh 1a

4 2 {XZ:O {X=0
—X"+mx =0 =

x2=m x=+Jm’

Do d6 thi ham s6 nhéan truc tung lam truc d6i xéng nén S, =S,.

1045 _ . _1045 5.5
= .

Tacod S +S, = 282:T<:>82:

Nm
Ma S, = j(—x4+mx2)dx:¥<:>(— X mx3j

0

5 3

Q_

5 3
5
(\/H) +m<\/ﬁ) :5‘/§@m5 :ﬁcm:iz&?&
5 3 3 2 5/a
= Chon dap an D.
HET
Hué, 11h00’ Ngdy 14 thdng 02 nim 2022
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Caul: Chohamsd y=f (X) vay=g (X) ¢ d6 thi nhu hinh vé bén dwdi:

y =Ax)

Dién tich S ctia phan gach chéo trong hinh vé trén duregc tinh bang cong thitc nao dudi day?

A Szi[g(x)—f(x)]dx. B. S=_E|f(x)—g(x)|dx.

j[f(x)—g(x)]dx. D. Szj.[f(x)—g(x)]dx.

Cau2: Cho hinh phing (D) gioi han boi d6 thi ctia ba ham s6 y = f(x), y=g(x), y=h(x) nhu hinh
bén duwdi.

C. S=

Dién tich hinh phang (D) 1a S. Ménh dé nao sau day dtng?

A. S=j[f(x)—g(x)]dx—j[g(x)—h(x)]dx. B. S:j[f(x)—g(x)]dx+ [g(x)—h(x)]dx.

T e O

C. S =j[f(x)—g(x)]dx. D. S =“f(x)—h(x)]dx+“g(x)—h(x)]dx.

Cau3: Cho ham s§ f(X) lién tuc trén R. Goi S la dién tich hinh phang giéi han boi cac duong
y=f(x),y=0,x=-1x=2 (nhu hinh vé).



Cau 4:

Cau 5:

Cau 6:

Cau 7:

y = filx)

-1 d 12 e
Ménh dé nao dwdi day dung?
2

1

A.S=[f(x)dx [ f(x)dx. Bs_—jf dx+j
-1 1
1 2 1
C.S:—jf(x)dx—jf(x)dx. D.S:J‘f(x)dx+jf x) dx
-1 1 -1 1
Dién tich phan hinh phang gach chéo trong hinh vé bén duoc tinh theo cong thitc nao dwdi
day?
\ /y -2z -1
y— -7 43
2 2
A. j(—2x+2)dx. B. j(2x—2)dx.
1
2 2
C. I(2x2—2x—4)dx. D. j(—2x2+2x+4)dx.

Goi S 1a dién tich hinh phang (H) giéi han béi d6 thi ctia hai ham s§ y = x® va y =X . Ménh
dé nao sau day dung?

1 1
A.SIﬂ'I(X—Xz)dX. B.S= Ix —x C.S= _[ dx D.S= Ix x dx

0

Chohamsd y=f (X) lién tuc trén doan [0,8] va cd d6 thi nhw hinh vé bén dudi:

v
3

(:51)

0

Trong cac gia tri sau, gia tri nao 16n nhat?

A.ij(x)dx. B. if(x)dx. C. If(x)dx. D. if(x)dx.

Dién tich S ctia hinh phéng gidi han boi d6 thi ham s8 y =3x*+1, truc hoanh va hai duong
thing Xx=0,x=2 la
A.S=11. B. S=12. C. S=10. D. S=9.



Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cho ham s8 y =f(x) lién tuc trén R va c6 d6 thi nhuw hinh vé, dién tich hai phan S,,S, lan
lwot bang 12 va 3.

3
Gia tri ctia | = [ f(X)dx béng
-2
A. 15. B. 9. C. 36. D. 27.
Goi S 1a hinh phéng gidi han bdi d6 thi ham s6 (H):y = X—_i va cac truc toa do. Khi do, gia
X+

tricaa S béng

A.In2+1. B. 2In2+1. C.In2-1. D. 2In2-1.

Cho (H) la hinh phéng gidi han boi cdc duong y=+/x, y=X—2 va truc hoanh. Dién tich
cua (H) bang

h
52

)
n
\<-’

(L
o 2 4 X
A.Z. B_g‘ C.E, D,g_
3 3 2 -

Dién tich hinh phéng S gidi han boi do thi ctia hai ham s6 y = x* va y=32-x* duoc xdc
dinh boi cong thitc nao sau day?

A. S:Zj(x“—lG)dx. B. S=f(16—x4)dx. C. S:4_2[(16—x4)dx.D. S:2j(16—x4)dx
2 -2 0 0

Goi S la dién tich hinh phéng gi6i han boi cac d6 thi ham s6: Y = x* —3x ,Y=X.Tinh S.
A.S=4. B. S=8. C.S=2. D. S=0.

Mot bién quang cdo c6 dang hinh elip vdi bdn dinh A, A, B;, B, nhu hinh vé bén dudi. Biét
chi phi @& son phan t6 dam la 200.000 vnd/m? va phan con lai 100.000 vnd / m?. Hoi s8 tién
d€ son theo cach trén gan nhat vdi s6 tién nao duwdi day, biét AA, =8m, BB, =6m va t& giac
MNPQ la hinh ch nhat c6 MQ =3m?

As A,

B

A. 5.526.000 dong. B. 5.782.000 dong  C. 7.322.000 dong. D. 7.213.000 dong.



Cau14: Cho duong thang y = %X+ a va parabol y=x’ (a la tham s8 thuc). Goi S;,S, I4n luwot 1a

dién tich ctia hai hinh phing duoc to dam va gach chéo trong hinh vé bén dwdi:

1

1.
y==—X+a
A b

Khi S; =S, thi a thudc khoang nao dwéi day?

N e

Cau15: Choham sdbacbon f(x) c6 do thi f(x); f'(x) nhu hinh vé bén dwéi:
Y

Goi S;;S, 1a dién tich hai hinh phang dwoc gach trong hinh vé, khi S; =1 thi S, bang

A. 104 B 2 c. . p. 3
23 23 23 23
Cau16: Chohamso y=f (X) 6 d6 thi nhw hinh vé va dién tich hai phan A, B Tan lugt bang 11 va 2.
y y 1)
A
/ 2 o\NpB/1 =

0
Gid tri ctia | = [ f(3x+1)dx bing
-1

A. ? B. 3. C. 9 D. 13.



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cho parabol (P):y = x*va mot duong thang d thay d6i cit (P) tai hai diém A, B sao cho
AB =2018. Goi S la dién tich hinh phéng gi6i han boi (P) va duong thing d . Tim gia tri
léon nhat S, caa S.

2018° +1 2018 2018°-1 _ 2018°

B.S, = . C.S, =" D.S_= .
3 6 6

A S, =

Trong mat phang Oxy cho 1a hinh phéng (H ) gidi han boi parabol y =4-x* va truc hoanh.
Duong thang x =k, (-2 <k <2) chia (H ) thanh hai phan (H,),(H, ) nhw hinh vé bén dudi:
y  |x=k

N\

‘“3) 4

Biét rang dién tich (H, ) gap ? lan dién tich(H, ), hoi gia tri k thudc khoang nao sau day?
A. (-2;-1). B. (0;1). C. (-10). D. (32).
Cho hai ham s8 f(x)=ax*+bx’ +cx*+2x va g(x)=mx*+nx*-2x véi a,b,c,m,neR . Biét
ham s8 y = f (Xx)—g(x) c6 ba diém cuc tri 1a —1;2 va 3. Dién tich hinh phang giéi han boi
hai duong y = f'(X) vay= g’(X) bang

32 71 71 64

A —. B. —. C. —. D. —.
3 9 6 9

Cho ham sO f(x):x4+bx3+cx2+dx+e (b,c,d,eeR) co cac gia tri cuc tri la 1,4 va 9. Dién
f'(x)
Jf(x)

A. 4. B. 6. C. 2. D. 8.
HET

Hué, 11h00’ Ngdy 13 thing 01 nam 2024

tich hinh phéng gioi han boi d6 thi ham s6 ¢ (X) = va truc hoanh bf?mg
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Caul: Chohamsd y=f (X) vay=g (X) ¢ d6 thi nhu hinh vé bén dwdi:

y = fix)
Dién tich S ctia phan gach chéo trong hinh vé trén duregc tinh bang cong thitc nao dudi day?
A. S=I[g(x)—f(x)]dx. B. S=I|f(x)—g(x)|dx.

I[f(x)—g(x)]dx.

D. S :j'[f (x)—g(x)]dx.

Ap dung cong thiic tinh dién tich hinh phéng gidi han boi hai dwong cong y = f (x),
y =g(X) vahai dwong thang x=a, x=c tacé S :_H f(x)-g(x)[dx.
Cau2: Cho hinh phing (D) gioi han boi d6 thi ctia ba ham s6 y = f(x), y=g(x), y=h(x) nhu hinh

bén duoi.
YA

¥ o= I(x)

»
X

o @ b e

Dién tich hinh phéang (D) 1a S. Ménh dé nao sau day dung?

A.S =_[[f(x)—g(x)]dx—j[g(x)—h(x)]dx. B. S =[[f(x)-g0)]dx+[[g(x)—h(x)]dx

C. S:j[f(x)—g(x)]dx. D. S:J'[f(x)—h(x)]dx+j[g(x)—h(x)]dx.



Cau 3:

Cau 4:

.....

Dua vao hinh trén, ta thdy

S =j|f(x)—g(x)|dx+j|g(x)—h(x)|dx
Trén doan a;b , f(x)> g(X) nén j.|f(X)—g(X)|dX:i[f(X)—g(X)]dX.
Trén doan b;c, g(x) <h(x)nén j|g(x)—h(x)|dx=—j[g(x)—h(x)]dx.

b c
Vay S =j[ f (x)—g(x)]dx—j[g(x)—h(x)]dx.

a b
Cho ham s8 f(x) lién tuc trén R. Goi S la dién tich hinh phang gi6i han béi cac duong
y=f(x),y=0,x=-1x=2 (nhu hinh vé).

le

y = fix)

—1 @ WQ -:;

Ménh dé nao dudi day dung?

.....

A.S:j.f(x)dx —j'f(x)dx. B.S:—Jl‘f(x)dx+.2[f(x)dx.
C S:—jf(x)dx—j'f(x)dx. D.S:'l[f(x)dx+.2[f(x)dx.

1 2
Dwa vao do thi, tacd S = J- f (X) dx —J- f (X) dx.
-1 1
Dién tich phan hinh phang gach chéo trong hinh vé bén duoc tinh theo cong thitc nao duwdi

day?
)
D
/ \0\)(
y=-2"43
2 2
A. f(—2x+2)dx. B. j(2x—2)dx.
b e
C. .|2‘(2x2—2x—4)dx. D. j(—2x2+2x+4)dx.
Lo gidi ;

Xx=-1

Phuong trinh hoanh d6 giao diém: x* —2x-1=-x*+3 2x* -2x-4=0< {X _



Dién tich hinh phéng can tim 1a S = T[(—x2 +3)—(x* - 2x—1)]dx = J%(—sz +2X+4)dx.
Cau5: Goi S la dién tich hinh phang (H) _gliéi han boi d6 thi ctia hai hérr_llsé' y=x*>va y=X.Meénh
dé nao sau day dung?
1 1 1 1
A. S :ﬁI(X—XZ)dX. B. S :J.(xz—x)dx. C.S :I(xz—x4)dx. D. S :I(x—xz)dx.
0 0

0 0

.....

x=0

Xét phuong trinh hoanh d9 giao diém: x* —x=0 < { L
X =

Suy ra: S :hx2 —x‘dx=j(x—x2)dx.
0 0

Cau 6: Chohamsd y= f(X) lién tuc trén doan [0;8] va c6 d6 thi nhu hinh vé bén dudi:

U}
(S) m
8

A. if(x)dx. B. !f(x)dx. C. :[f(x)dx. D. if(x)dx.

.....

0

Tacé: [ f(x)dx=S8,-S,+S,.

0

8 8 3
S;>8, <=8, +8,>0= [ f(x)dx=5,-S,+8,>S < [ f (x)dx> [ f(x)dx (1)
0 0 0
8 8 8
8,>8, > =8,+8,>0= [ f(X)dx=8-5,+5,>S, < [ f(x)dx> [ f(x)dx (2)
0 0 5
5 3 5
Ta c6 If(x)dx:Sl—Sz<81:>If(x)dx>J'f(x)dx (2)
0 0 0

8
Tt (1), (2) va (3) suy ra trong cac gia tri trén, gia tri nao 16n nhat la j f (x)dx.
0
Cau7: Dién tich S ctia hinh phang giéi han boi d6 thi ham s y =3x® +1, truc hoanh va hai duong

thing x=0,x=2 la
A.S=11. B. S=12. C. $=10. D. S=9.

.....

o [(%fav? (3 2 _ _
Taco S = (3x*+1)dx=(x"+x)|; =8+2=10.
Cau8: Choham s y=f(x) lién tuc trén R va c6 d6 thi nhu hinh vé, dién tich hai phan S,S, lan

lwot bang 12 va 3.



Gidtricua | = If dX bang

A.15. B. 9. C. 36. D. 27.
Loi gidi

I_J'f x)dx =S, S, =9.

Cau9: Goi S la hinh phang giéi han béi d6 thi ham s6 (H):y = X—_i va cac truc toa do. Khi do, gia
X+

tricaa S béng

A.In2+1. B. 2In2+1. C.In2-1. D. 2In2-1.

Loi giai:

Phuong trinh truc (Ox) va (Oy) lanluwotla y=0 va x=0.

Phuong trinh hoanh d¢ giao diém ctia ham s (H) va truc Ox: X_i =0 x=1.
X+

Tacéd: S = J- X. Vi X—_léO, VX e [0;1] nén dién tich can tim la:

X+1 X+1
s_—j ( 1+ijdx (- x+2|n|x+14)\1:2|n2—1.
Xx+1 0

Cau 10: Cho ( H ) 14 hinh phéng gidi han boi cac dudng y=+/x, y=X—2 va truc hoanh. Dién tich
cta (H) bang

A.Z. B.§ D.E.
3 3 3
Loi giai
y=+/x =Xx-2
Xét cac hinh phang (H,): {y=0 va (H,):4y=0
x=0, x=4 X=2,x=4
{(H)z(Hl)\(Hz)
Ta cod
(H)o(H,)=(H.)
4 4




Cau 11:

Cau 12:

Cau 13:

x=y? ,
Céch khéc: Tacd (H):{x=y+2 .Suyra S(H)z.ﬂy2 —(y+2)‘dy=%.

y=0y=2 i
Dién tich hinh phing S giéi han béi d6 thi ctia hai ham s§ y=X* va y=32-x* duoc xac
dinh boi cong thitc nao sau day?

A. S:2j(x4—16)dx. B. S=j(16—x4)dx. C. S:4_2[(16—x4)dx.D. S:2j(16—x4)dx
2 -2 0 0

Loi giai:
Phuong trinh hoanh d¢ giao diém ctia hai d6 thi ham s6 Yy = x* va y=32-x*:
X=2
X=-2
Dién tich hinh phang gi6i han boi d6 thi cic ham s6 1a:
2 2 2 2
S = [|x* ~32+x*fx= [[2x* ~32fdx = [(32-2x*)dx =2 (16— x*)dx
-2 -2 -2

-2

x4:32—x4<:>x4:16<:{

Mt khac vi ham s8 Y =16—x* 13 ham s6 chdn nén j (16 - X4)dX = Zi (16 — x“)dx .
0

-2

Vay S =4f(16—x4)dx.
0

Goi S la dién tich hinh phéng gi6i han boi cac d6 thi ham so: Y = x> —3x ,Y=X.Tinh S .

A.S=4. B. S=8. C.S=2. D. S=0.
Loi giai:

X=-2
Tacd x> -3x=x =& x*—4x=0 = | x=0 .

X=2

2

ool ol =42
0

Vay S = j"x3 —4x‘dx:
-2

Mot bién quang cdo c6 dang hinh elip vdi bdn dinh A, A, B;, B, nhu hinh vé bén dudi. Biét
chi phi d€ son phan t6 d¢am la 200.000 vnd/m? va phan con lai 100.000 vnd /m?. Hoi s& tién
d€ son theo cach trén gan nhat vdi s6 tién nao duwdi day, biét AA, =8m, BB, =6m va t& giac
MNPQ la hinh ch nhat c6 MQ =3m?

By

Al AZ

B:
A. 5526.000 dong.  B. 5.782.000 dong  C. 7.322.000 déng. D. 7.213.000 dong.
Loi giai:



Ay
B2[3
M N
4 >
A ol 1 A, X
Q P
B
, X2 y2
Goi phuong trinh chinh tac cta elip (E) co dang: ¥+b_2:1
. [AA =8=2a a=4 X2 y? 3 >
Vaéi & S(E)i—=+Z-=1lcy=2-416-%".
{Ble=6:2b b=3 ( )16 9 y 4

Suy ra dién tich cia hinh elip 1a S, = zab =127 (mz) :

Vi MNPQ 1a hinh chit nhat va MQ =3— M (x;gje(E)
2

:>X—+%:1:> X*=12 > M (—2\/5;;); N (Zﬁgj

16
Goi S,;;S, lan lwot 1a dién tich phan bi t6 mau va khoéng bi t6 mau

4 4
Ta c6: 32:4.% [ V16—x*dx =3 [ V16—x*dx—=1">S, =47 —6/3(m’)
23 23

Suyra: S, =S, —S,=87+6+3.Goi T latdng chi phi. Khi d6 ta c6

(8)
T= (47z—6\/§).1OO+(87z+6\/§).200 = 7.322.000 (dbong).

s 1
Cau14: Cho duong thang y = EX+ a va parabol y= x> (a la tham s& thwe). Goi S;,S, Ian luot 1a

dién tich ctia hai hinh phang duoc té6 dam va gach chéo trong hinh vé bén dudi:

1

o(34)



Loi giai:

1
Phuong trinh hoanh d6 giao diém cua ctia hai d6 thi: Sx+as x> < 2x* —x-2a=0

Theo gia thiét, phuwong trinh c6 hai nghiém phan biét < A=1+16a>0< a> —%

N |-

S=X+X, =
Khi d6, phuwrong trinh c6 hai nghiém x,,x,(X, <X,) thoa: 1o

Luuy: x, —x, =\/(x2 —xl)2 :\/(x1 +x2)2 —4xx, = ,&+4a,

X 0

7 0 2 3
Dién tich hinh phang: S, = j X: [g+ajdx+.[ xzdx:(%+ax) +%
—Za X1 2 X
1 2 1 2 2 1 3 1 3 1 2 2
=—X +tay——4a°+2a°" —=—x  =—=X +—X +ax +a
4X1 17 3TN 1
3
. Xy — X
Dién tich hinh phing S, =jx2 [%X—l—a— xzjdx =%
X
3 3
X —
Theo gia thidt, S, =S, @%(xf—4a2)+a(xl+2a)_%:%

<:>—£(x3+x3)+lx X, (X —x)+X—12+ax +a’=0
6 1 2 2 12\ M2 1 4 M

2
1-+1+16a .
1(£+3—aj—§,&+4a+( ) +a.1 14+16a

6ls 2) 2 64

Cau 15: Choham s&bacbén f (x) c6 d6 thi f(x); f'(x) nhu hinh vé bén dwdi:
Y

+a’=0=a=3,684.

.'f \/2 o =

Goi S;;S, la dién tich hai hinh phang dwoc gach trong hinh vé, khi S; =1 thi S, bang

A, 104 B 0 c. p.
23 23 23 23
Loi gidi:

Dt f(x)=k(x+5)2(x+2)2,k>0.
Khi d6 f’(x):Zk(x+5)(x+2)2+2k(x+5)2(x+2):k(x+5)(x+2)(4x+14)
Xétham g(x)= f(x)- f’(x):k(x+5)(x+2)(x2+3x—4)



Cau 16:

Cau 17:

[x=-5
X=-2
Suy ra g(x)=0<:> <=4
| x=1

Tir d6 ta suy ra: S, —Hg ‘dx——jg dx_—kj (x+5)(x+2)(x* +3x—4)x

S P
10 23
2
Vay 52=£‘g x+5 x+2)(x2+3x—4)dx:%

Chohamso y=f (X) 6 d6 thi nhu hinh vé va dién tich hai phan A, B Tan luot béng 11 va 2.

U

/—2 @] \1,/ 1

0
Gid tri ctia | = [ f (3x+1)dx bing
-1

A —. B. 3. C. o D. 13.

.....

f (3x+1)dx, dat (3x+1)=t = dt =3dx:>dx=%

0
g
, X=-1l=t=-2
+) Bo6i can
X=0=>t=1

1

=1 :%j f (t)dt:%ﬁi f(t)dt +i f(t)at }:%(SA—SB):E(M—Z):B.

Cho parabol (P):y = x’va mot duong thang d thay d6i cat (P) tai hai diém A, B sao cho
AB =2018. Goi S la dién tich hinh phéng gi6i han boi (P) va duong thang d . Tim gia tri

l6n nhét S, caa S.
3 3 3 3
A S = 2018 +1. B.S,_ - 2018 . Cs. - 2018 1. D.S._ - 2018 .
6 3 6 6
Loi giai

Gia st A(a;a®); B(b;b*)(b>a) sao cho AB=2018.
Phuong trinh duong thang d 1a: y=(a+b)x—ab.

Khi d6: S =J:“(a+b)x—ab—x2‘dx:i((a+b)x—ab—x2)dx=%(b—a)3.



Vi AB =2018 < (b-a)" +(b” ~a’) =2018? < (b-a)’ (1+(b+a)’) = 2018".

3
= (b-a) <2018’ = |p-aj=b-a< 2018 =S < 2028 :

_2018°

max

Vay S khi a=-1009 va b =1009.

Cau 18: Trong mat phang Oxy cho 1a hinh phang (H ) gidi han boi parabol y =4-x* va truc hoanh.
Duong thang x =k, (-2 <k <2) chia (H ) thanh hai phan (H,),(H,) nhw hinh vé bén dudi:
o v =k

4
/\
=

(Hi})

2 |l|_~)\:
/ o & \ ¥
Biét rang dién tich (H, ) gap ? lan dién tich(H, ), hoi gia tri k thudc khoang nao sau day?

A. (-2;-1). B. (0;1). C. (-10). D. (32).
Loi giai:

b

(H1)

; (H2)

'/ux\;
H).(

Ta cé szsl+sz,sl=§sz:»5=2—7732.

*Y

2
Matkhéc3=j(4—x2)dx=§:>32=l_§=%,
2 3 27°3 81
2 2 3 3
Ma szzj(4—x2)dx=[4x—1x3) _16 KAk nén ta duoe 21K g 2224
) 3" ), 3 3 3 3 81
3
<:>k?—4k+%=0<:>27k3—324k+208:0

& (3k—2)(9K? +6k —104) =0 <= k =§(do ke(-22)).



Cau19: Cho hai ham s§ f(x)=ax*+bx*+cx*+2x va g(x)=mx*+nx*-2x véi a,b,c,m,neR . Biét
ham s6 y=f (x)—g(x) c6 ba diém cyc tri 1a —1;2 va 3. Dién tich hinh phéang gi6i han boi
hai duong y = f'(X) vay= g’(X) bang

A 32 p JL c. 1t D. %,
3 9 6 9
Loi gidi

Taco: y=h(x)=f(x)-g(x)

= h'(x)= '(x)—g'(x) =4ax> +3bx* + 2cx + 2 3mx* — 2nx + 2,

= h'(x) =4ax’ +(30-3m)x* +(2c - 2n) x + 4

Do ham s6 h(x)= f (x)—g(X) coba cuctrila —1;2 va 3 nén h'(x) cé dang

h'(x)=4a(x+1)(x-2)(x-3); W'(0)=4=4al(-2)(-3)=4= a=%

f'(x)—g’(x)=§(x+1)(x—2)(x—3)

3 71

2
f'(x)-g'(x) |dx—jl§(x+1)(x—2)(x—3) dx=§.
Cau 20: Choham sO f( )=X4+bx3+CX2+dX+e (b,c,d,eeR) co cac gia tri cuc tri la 1,4 va 9. Dién
(%)
f(x)

A. 4. B. 6. C. 2. D. 8.

.....

va truc hoanh bang

tich hinh phang gi6i han boi d6 thi ham s6 g(x) =

z 00 Iy L2 Iz +0C

['(x) — 0o + 0 — i

f(z)

f(zxy) f(xa)

+) Phuwong trinh hoanh d6 giao diém cua d6 thi ham s6 ¢ (X) va truc hoanh la:

_ (X)) - f'(x)=o© x=x (i=12,3)
9(x)= f(x)_O {f(x)>0 {f(xi)>0(TM)

+) Dién tl’ch c‘ém tim lé

Hué, 11h00’ Ngay 13 thdng 01 nim 2024

X

O] = 4T (%) -2y (%) -2/ (x,) =




