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onidé (3) NGUYEN HAM
TICH PHAN VA NG DUNG

Vin d& 1. NGUYEN HAM CUA HAM SO

I. Dinh nghia:

e Cho ham f(x) xdc dinh trén K (véi K la mdt khoang hodc doan hodc nira khoang cuia
R ). Ham s6 F (x) 12 nguyén ham cua ham s6 f(x) trén K néu F’(x)= f(x) voi moi
xe K.

e Trong truong hop K =[a:b]:
F (x) languyén ham cua ham f (x) trén doan [a:b]
F’(x)1a nguyén ham cla f (x) trong (a; b)
& {F'(a)=f(a)
F'(b)=f(b)
2. Dinh li1:
Cho F(x) 12 mdt nguyén ham cta ham f(x) trén K thitac
* F(x)+C ciing la mot nguyén ham cia f(x) tén K (C: hang s6)

* Néu G(x) Ia mot nguyén ham cta f(x) trén K thi: G(x)=F(x)+C (véi C la hang s6)
3. Dinh I 2: Moi ham s lién tuc trén K déu c6 nguyén ham trén K
4. i hiéu:

Néu ham F(x) la mot nguyén ham cta ham f (x ) trén K thi

ff )dx = +L
: ham duoi tich phan

« f(x)dx :bicu thirc duéi diu tich phén.

LI

Trong d6: * f(x)

: bi€n s0 cua tich phan.

5. Chii jj:
e F(x )+C goi 1a ho cdc nguyén himcua f trén K
o [f(x) x)+C & F'(x)=f(x).

. Uf(x)dx] =/ ()

6. Tinh cht: I[mf(r) ]dx mjf dx+njg
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TAILIEU HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG

Dang 1: Dung dinh nghia nguyén ham

A. PHUONG PHAP GIAI

1. D¢ chirng minh Jf Jdx= F(x)+C taching minh F'(x)=f(x).
2. Cac cong thire dao ham:
1) (x”)’=nx”" 14) (u”)’=nu"[.u’
’ 1 ’ u’
2) (Vx 15) (Vu
() 2/x > () 2\/_
) (1) 0 (1) -
A X
4) (smx) =COoS X 17) (smu) =u' cosu
5) (cosx) =-sinx 18) (cosu) =-usinu
6) (tanx)’zl-i-tan:x: . 19) [tanu) =(1+tan2u).u'= u:
cos’ x cos” u
7) (cotx) =—(1+cot’ x)= __21 20) (cotu) =—(1+cot* u)u’=—5
sin” x sin” u
8) (a")’=u"’.lna 21) (a”)’=u'.a".lna
9 (&) =¢' 2) (e") =u'e"
— l '
10) (log,|x]) e 23) (log, |u]) = s
1 ’ u
1 (loghd) =15 24) (loglu]) =255
12) (In|x|) 25) (Inul) =
o (45 - 20 (48] -
n\x" n\u""

B. TOAN MAU

1

Vidu 1.
2x—1

Chitng minh: J[ixz— ]dxz.x3-l2|n(2x—1)+c.
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GV. TRAN QUGC NGHIA - suru tdm va bién tap

Vidy 2. Ching minh: j(3—sin4r)dr=3:+%cos4t+c.

Vidu 3. Ching minh cdc ham sé F(x)z—%costqu, G(x) =—cos’ x++/2, H(x)zsinzx—% la

nhirng nguyén ham ciia ham s6 f (x)=sin2x.

C. BAI TAP TV LUYEN

Bai 1.

Bai 2.

Chirng minh:

a. I(3x+4—5e4x)dx %4_4)‘7_534‘

+C.
4

b. I(Zt —cos3t+tant)dt =t —%cosSt—]n|cos t| LE.

o I(u+ e‘du=ue"+C.

d. I(sin x+xcosx)dx=xsinx+C.

Ching minh:

a. I 2 du=Inyu’+1+C.
u —1

1 e e
c. Il+c’ dt=1-In(e' +1)+C.

e. [ dx=ln(x+\fx2+l)+C.

xt+1

bf

d.J.‘

f.

COS X +S8in x

sdx = —+C.
(cosx—sin x) COS X —sin x
dx=1In tani +C.
sin x 2
L(;If——ln 1+C.
-1 2 |t+l
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TAILIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 4
Dang 2: Tim nguyén ham dua vao bang cong thirc
A. PHUONG PHAP GIAI

SU DUNG BANG CONG THUC NGUYEN HAM
L [kdr=ke+C 2. [Zde=infuf+C
15
P 1 (ax+b)”+'
3 'dE= +C (n#-1 "dy=—- -
[x ——+C (n=-1) 4. [(ax+b) dx At C =)
1 x—n+l 1 1 (ax+b)_”+'
5. [—rde=[xrde= +Cmzh |6 | —dx=— +C (n#]1)
g -n+1 (ax+b) a -n+1
3
1
7. J\/_‘i‘f J. x*dx =—x\/_+C 8 ‘[ ax+bdx=l%(a.x+b)\! b+C
a
9
i 1
Cde=tie=
9. JT _J' Pdr="-4C 2wWx+C |10, f\/— _zﬁ/ “hiC
2
| N S T 12. Lo lae ]
11. J?dX—IX d_l—_—l+C—-";+C '[(tll'+b)2 a4 ax+b
13. jldx=1n|x|+c 14. J' d¥s ©lnjax+ B+ €
X ax+b a
15. Jsinxdx=—cosx+C 16. ‘[sin(ax-i-b)dx:—i‘cos(ax-i-b)%-()
a
iy 2 Jcosxdx=sinx+C 18. Icos(ax+b)dx=l‘sin(ax+b)+(’f
a
19. J-tanxdx=—ln|cosx‘+C 20. Jtan(ax-i—b)dx:—l'lnlcos(ax+b)|+C
a
21. Jcotxdlen‘sinxhc 22 Icot(a,\drb)dx:lvln‘sin(ax+b)‘+C
a
1 1 1
g 8 [ =l b€
e Jcoszxdx R -[cosz(ax+b) a i
25. J(l+tan2x)¢r=tanx+C 26. I[I+tan2(ax+b)]dr=l-tan(ax+b)+C
a
1 1 1
= 28, | ————dx=——-cot +b)+C
27, Jsinzxdx cotx+C -[sinz(aerb) - cot(ax+b)
29. J(]+cot2x)dx=—cotx+C 30. ‘”:_l+cot2(ax+b)]dx=—l-cot(ax+b)+C
a
X x4
81 ja-‘ax=“—+c 93, ja“*"”cu:zi-“ e
Ina m Ina
X X - I J'm +it
3. [e'dx=c'+C 34, J’e dx = i
m
1 1 —a 1 1 x+a‘
= 36. dx= | +C
% szwazdx 2aln x+a e -[(x+a)(x+b) b-a |x+b]
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GV. TRAN QUGC NGHIA - suru tdm va bién tap

B. TOAN MAU

2x+l]
Vidu 4. Tinh cic nguyén ham sau: / = J dx
Vidu 5. Tinh nguyén ham [ = J -dr.
4( r—l)
Vidy 6. Tinh nguyén ham / = j \/6_1 du
u —
Vidy7. Tinhnguyén ham 7= [ N B
3(2t-5)
" . A 1s 3
Vidu 8. Tinh nguyén ham [ = J 35 )d.r
.

Vidu9. Tinh nguyén ham / = _[ }Icos 2edr .

Vi du 10. Tinh nguyén ham [ = jmd :

3tan 3x

Vidu 11. Tinh nguyén ham / = I dx.
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TAILIEU HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 6

4cos 2t .

Vi dy 12. Tinh nguyén ham 7 = |

l+ tan 2x)

Vi du 13. Tinh nguyén ham 7 = J 3

dr .

Vidu 14. Tinh nguyén ham [ = I4 iy
cos” 2t

3(1+c0t2u)
Vi du 15. Tinh nguyén ham 7 = deu .

Vi du 16. Tinh nguyén ham 7 = I2 >
sin” 2x

23x

Vidu 17. Tinh nguyén ham / = I

Vi du 18. Tinh nguyén ham 7 = J.2e4“du ;

C. BAI TAP TU LUYEN

Bai3. Tinh cdc nguyén ham sau:

3x Y 7 4 2
d[:j[?+2}dx b]=-[mdf szjmdu dl=jmdf

C053tdt. & 1=J-9s.1n5x

3
c.1=jmdx. f.;:j dr. h.::jﬁtansudu.

i. 1= [(1+cot*7x)dx. du. k. I=[2"dx. L1=] dr.

= —=
J I2551n29u x*-=16
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GV. TRAN QUOC NGHIA - suru tdm va bién tap 7
Dang 3: Tim nguyén ham bang phuong phap phan tich
A. PHUONG PHAP GIAI

<+ Dé tinh I f (x)dx, taphantich f(x) thanh tong, higu cic ham s6 c6 tong bang nguyén
ham, r6i dya vao tinh chat I[m.f x) tn.g(x ]dx mjf d.x+n_[g d.x va bang
cong thitc nguyén ham dé tinh.

% Doi v6i mot sé6 ham hiru ti:

P
» Tinh nguyén ham 1/ =_[ (x) dx voi P(x) va Q(x) la céc da thirc khéng can.

0(x)
» Phuwong phap gii:
e Néubac cua tirsb P(x)2> béc cia mau sé Q(x) —2%— Chia da thiec.
e Néubic cua tirsb P(x)< béc cia miu sé6 Q(x) —£— Xem xét miu s6 va khi
do:
e Néu méu sb phan tich duqc thﬁnh’tfch s0, ta s& s@r dung ’déng nhét thirc dé dua vé
dang tong cua cdc phan $6. Mot 6 truong hop dong nhat thire thuong gap:

7 1 1 [ g &N J
(ax+m)(bx+n) an—bm \ax+m bx+n

I mx+n A " B (A+B)x—(Ab+ Ba) A+B=m
(x—a)(x—b)_x—a x—b (x—a)(x-b) Ab+Ba=-n

y 1 WANE Bt C

- , voi A=b"—4dac<0.
(x—r;-z)(ax3+b.r+c-) x—m ax’+bx+c ol ac

v 1 A B C D
+ mng a -
(x—a) (r b) Cx-a (_r—u)” x—b (,x—b)“

e Néu miu sb khong phan tich dugc thanh tich s6 (bién dbi va dua vé dang lugng
giac).

B. TOAN MAU

Vi du 19. Tinh cidc nguyén ham sau:

a 1= [x(3x2~2)dx b 1=[(-3)( ). o f=[664 du.
d) 7 =_[Si“2 xdx . e) f=_|-tan2xdf- f) I:j(Scosx—B""")dx.
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TAILIEU HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 8

Vi du 20. Tinh cic nguyén ham sau:

2x+1 X +x+1 dx 5x-3
I= dx. b) [ =|—dx. [=|——— dyl=|——-
%) j %1 ) -[ x+2 ©) Ix2—6x+5 ) jx2—3x—2
3x+1 X +1 x> +1
e) I = DiI= d: ) = P —
) '[(JE—FI)3 ) '[xz—l : & jJ:?'—szJr{‘)x
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GV. TRAN QUGC NGHIA - suru tdm va bién tap

Vi du 21, 1) Xéc dinh cicsh A, B saochoy =27 L. 4 . B

(A:+[)J (x+1)3 (x+l)

3 -

3x+1

2) Tinh: 1:]‘( o)
X

C. BAI TAP T LUYEN

Bai 4.

Bai 5.

Bai 6.

Tinh cac nguyén ham sau:

a) IZIuZ(u—3)du.

d) 1 =jsinxcosxdx

Tinh cac nguyén ham sau:
3;‘_+2_l P

4x'+6x+ldx
2x+1

a)f:j'

d)]:j

_[ 2x* —8x+10
©4+xi-4x-4

1) Xdc dinh A, B, C sao cho:

2) Tinh: 1=j e

3x° +3x+3

=255

by 1=| .

e) I =_[cos2 xdx

x+1
2x+3

b)f:j

e)1=j

2x+1

3x+2
4x* —4x+1
x* dx
(1-x")
3x" +3x+3
x*—=3x+2

Q1=]

t)!=‘[

2

w)f:_[

3x* +3x+3 _ A

3 2
4dx” +4x Id.x

2t+4
Ly

f) I :J-e.r—_'%le_’».r+ld-x

dr

x*=3x 4Dx~1

¢) 1=J‘ . dx
dx
D I_Ix(x+l)
dx
) 1_j2x2+x—3
dx+11
) !_'[x2+5x+6
xdx
9) I—'[xz—?xﬂ.Z
0=
2x* —5x-3
W I=I13+X2_2x
dx
I =
%) jx-(x3+l)
C

=342 x—l (x-1)7 x+2
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TAILIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 10
Dang 4: Tim nguyén ham bang phuong phap ddi bién s6
va phucng phap sur dung gian tiép bang nguyén ham
A. PHUONG PHAP GIAI

I. Dink l: Néu 1 =u(x) o6 dgo ham lién tuc va [ £ (¢)dt=F (¢)+C thi

Jf[u dx F[u ]-i-C
2. Cach gidi: Dt 1 =u(x)= dr =u’(x )ch, sau d6 thé mt Idc 7 va dr vao biéu thie dudi diu
nguyén ham. o ’ ‘ ‘
% Y tuong cua phuong phap doi bién 6 la: Dat ¢ nhu thé nao dé thoa 2 dicu kién:
e df c6 mat trong biéu thic duéi diu nguyén ham.
e Phan con lai cua biéu thirc thé ¢ vao duoc.
< Mot sé dang d6i bién loai 1, @it ¢ =u(x):

1= f(ax+b) xdr — 1=ax+b= dr=adr

” ;=J ¥ dx —— t=x""+1=>dt =(n+1)x"dx, v6i m, ne Z.
ax™ +1

1=Jf M3+b)ﬂdx — 5 t=ax’ +b = dt =2axdx

o = j/ x)f (x)dx —— t=3/f(x), trit mot s6 truong hop d6i bién dang 2.
[ 1

I = Inx) —-dx

. Jf( ) x i [I=lnx _
1=[f(a+binx)-L-ax SR
. X

. Izjf(c"')e"dx —F 5 t=¢".

. :’=jf(cosx)-sinx¢r —2 1 =cosx = dr=-sin xdx.
. 1=jf(sinx)-cosxdx —" 5 t=sinx= df =cos xdx.
o I=[f(tanx):——dx —> r=tanx=> df =——dr=I+tan’ x)dx.
cos” x cos® x
. 1=j_f(cotx)- _l,, dr 2> t=cotx=>dr=— _l, -dx=—(1+cot3x)d.x
sin” x sin” x
t =sin” x = dt = sin 2xdx
o I= jf(gm X;C08 x)stxch — . .
t=cos” x=> dr =—sin2xdx

= I sin x*+ cos x (einxicos r)clr — 5 t=sinxtcosx.

< Mt sb dang déi bién loai 2, dit x = p(¢):
U 1=jf(xja —-X )-x‘”d.x — 5 x=aqasint= dx=a.cost.dt

adr
cos’

1=[r(Ne-a?) x¥dx —2— x=—2 3 =T g,

cost cos™ ¢

I =jf(xfx2 +a’ )-xz”dx — 5 x=a.tant = dx=

Izj (lx = 7 A—d ] dx—"'g
(x—a)”.\/ax2+bx+c 1 $?

. 1=jR['Q/ax+b,...,'Vax+b}dx — 5 " =ax+b v6i n=B.C.N.N{n;n,;..;n }:
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1

B. TOAN MAU

Vi dy 22. Tinh nguyén ham 1 = [ x(x* +3)’ dx.

Vi dy 23. Tinh nguyén ham / = [ xe" “'dx.

24+Inx

Vi du 24. Tinh nguyén ham [ =J- dx.

X

Vi du 25. Tinh nguyén ham [ = I sinx.cos’ xdx .

Vi du 26. Tinh nguyén ham [ = jil sin lcl.:c
X x

Vi du 27. Tinh nguyén ham [ = _[x X +1dx.

3
X

Vi dy 28. Tinh nguyén ham 1 = | mdx .
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12

dx

Vidy30. Tinh nguyén ham a) r=j—
2

vx -4

dx
b I=|—
vax2—4

C. BAI TAP TU LUYEN

Bai 8.

Tinh cdc nguyén ham sau:

a) Izj[xznl)(.rs -3x)5dx b) Izjuz(uuf%)du

d) 1= [x(x*+1) dx

THELA

X
m) I = dx
I(2.ac+1)"’
Tinh cdac nguyén ham sau:
x+1
a) [ =
'I.x}x +2x-—
X
! "zjm‘b‘
4x—1
) I=| —dx
- J-v2x+[+7
-3x’ +x
D !ﬁ‘[ Va© = x+1

&) ;=jx2 x—l)“*dx

( )
0 1=ffie3]
m) !_jx°+1dx

) I=_[x.\f2~x2dx
) 1=js_x.J3 1-x*dx

x}
e

W 1= L

xIn xA1+31In’ x

¢) I=[x(1-x)""dx
) 1=[x(2-35) dx

D=y

DI=[—2—dx
) ‘I-(x-i-])“

0) 1=jL4dx

10
X -

2x
e
f) ! =J‘x“'.-" (l-2x3 )gd.x

1=

1
—dx
J.x\fx2+4
X
T
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13

Bai 9.  Tinh cac nguyén ham sau:
a) I=jlnzx-ldx
x
1
¢) I=[(1+Inx)-—dx
X
Inx3/2+In’ x
) ]=I—dx
%
x+1)(x+Inx
g 1o ee)
X
Bai 10. Tinh cdc nguyén ham sau:
a) I=
) Je =1
d) I=
J.nfl+f:"'
e,zr +3e*
1=
D Je "4 3e” +2
Bai 11. Tinh cdc nguyén ham sau:
) 1= J COS X
3sinx— 7
d) 1= J-sm X+ xCos x
(xsin x}
COS X
FE=
8 J1+sin,\:
2cosx
1=
D J3+251r1.:c
cos’ x
m) [ = dx
) J-sinz x
o) I =Je"i“".cos x.dx
cosx
I= =
D Jﬁ—Ssinx+sin“ %
Bai 12. Tinh cac nguyén ham sau:

sin x
a) I=
) J1+cosx

¢) I= Jcosz xsin’ xdx

sin4x
I =
©) J1+cos. X

dx

tan(£+ * | sin x.(1-sin x)
4 2

b)fj

3Inx+1
xlnx
In x 1

dx

d I= .—
) '[\}1+lnx X

fr=|—F/—2——

h)!z_[
b) I=Il+e‘.d-x
x+e
e) I= xdx
e +2
1
h) I = - _rdx
e —4e”
eh
k) I= dx
=

b) /1 =Isin xe iy

1
°) !=Icosdxdx

J- 251nx % cosx

k) I =jsin2 x.cos’x.dx

2sinx+1

log,,

xv1+3In’ x

In>x—2lnx+3

dx
X
¢) 1=[(2e"~1) e"dx
dx
QI ys
AN, (l+e‘r)3
i) 1= -
dx
) J(=‘[e“"—\/e_Jr
c) !=Ixcos(.x2)dx

fy I =Isinxcosxd.x

. 3cosx
1) [ =
j(l—s,in.vc):Z
1—2sin’ x
I = —
) '[1+sin2x
sin 2x _di
(2+sinx)

p) 1 =J(c093 x—1).cos® xdx

r)r=j

g I=]

cos’ x

COs5 X

- “a
11-7sinx—cos™ x

.3
b) I:J- 4sin xd.x
l1+cosx
" J_Jsin2xcosx
l+cosx
sin x +sin3x
[=|——
D I cos2x
e h) /= jsm x
cos® x

dx
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TAILIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 14
Dang 5: Tim nguyén ham bang phuong phap déi tirng phan
A. PHUONG PHAP GIAI

1. Dinh tg: Néu u(x) va v(x) 6 dao ham lién tuc [udv=uv—[vdu
2. Cich gidi: Tinh 1 = [udv

= du =14y dao him
bat . — . R :>[=u1’—j\fdu
dv=Phin con lai v=1ay nguyén ham

«% Phuong phép tich phin timg phin thuong dung dé tinh céc tich phan ma ham sb duéi
déu tich phén c¢6 dang tich ciia ham da thirc v6i ham lugng gide, ham da thac voi ham
logarit, vdi ham ma... Luu y khi dat:

e Dit u sao cho dé Iéy dao ham va theo thir tyr vu tién:

\Eog!’]n — da thic = mi — lugng giéc\

e Dit dv sao cho dé tim nguyén ham.
e Mot 6 cdch dat thuong gap:

sin x
v’ Dang 1':_‘. cosx [.P(x)dx.
e',a’
sin x
Dat u=P(x), dv=|cosx |dx, voi P(x) lada thuc.
e.\"a.f
Inx
v =
Dang / j[log” J.P(x)dx.
In x s . p I
Dt u= : dx; dv=P(x)dx, véi P(x) lada thic hodc P(x)=—.
ngl’x C

v’ Dang / =j[zl(li}e"'dx.

Pit u=e", 16i 4p dung nhiéu lan.

3. Mot ¢ dang khéng nam trong 3 dang trén:
Vin dé then chét cua phwong phdp tich phan ting ph::in 1a cach lya chon haim u cho
thich hop. Ham u can chon sao cho viéc tinh jvdu 12 d& dang va can dam bao sao cho

néu nhu ta can st dung nhiéu 1an cong thirc nguyén ham tung phén, thi cang ngay viéc
lay nguyén ham cang phai dé di.

B. TOAN MAU

Vi du 31. Tinh nguyén ham [ = Ix.sin xdx.

------------------------------------------------------------------------------------------------------------------------------------------------------------------
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Vi du 32. Tinh nguyén ham ‘[x. In xdx .

Vi du 33. Tinh nguyén ham [ = j xe'dx.

Vi du 34. Tinh nguyén ham [ = je" cos xdx.

Vi du 35. Tinh nguyén ham [ = Isin(ln x)dx.

[J;-i-l)2

Vi du 36. Tinh nguyén ham I :j
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C. BAI TAP T LUYEN

Bai 13. Tinh cdc nguyén ham sau:

a) 1= (x+1)cos xdx
d) Izsze" dx

g) I=J.tzln2xdx

) I=[(1-2x)e"dx
m) /= [ In2x dx

p) I=I(x+l)sin2xdx

s) I =J‘xsin§dx

b) 1 =[(2x—1)Inxdx

e) I =I(2x2+3.\:)sin2x dx
hy 1 =J3x2c052xdx

k) £ =[(2x-1)Inxdx

n) / =jlnxdx

q) 1 =jxe""dx

0 1= [xIn(1-x)d

¢) I=[(3x+2)e'dx
) I =J.ez" cos3xdx

) 7= [(2x=1)In" xdx
) I=[xedx

o) I =je"sinxd.r

r) I:Ixcosxdx

u) / =jxsin2xdx

v) I zjln(x+m)dr

w) I = jlxlnH-idx J']""

Dang 6: Tim nguyén ham bang cach thém bét
vao biéu thirc du'di diu tich phan
A. PHUONG PHAP GIAI

Bing cdch thém, bt mdt céch thich hop vao biéu thirc dudi dau tich phin, ta dua
nguyén ham can tinh vé dang tong hodc higu cdc nguyén ham c6 ban dé tinh hon.

B. TOAN MAU

Vi du 37. Tinh nguyén ham [ = Il+
e

sin 2x

Vi du 38. Tinh nguyén ham J' —
COS X

..................................................................................................................................................................

C. BAI TAP TU LUYEN

Bai 14. Tinh cdc nguyén ham sau:
A= b. I = |———dx
IA+1 "-2172—33?—5
i3 ) %
. 1=[23 § r=ffiotnes
X" +2x+4 X ——4x+5
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Dang 7: Nguyén ham co diéu kién
A. PHUONG PHAP GIAI

Tim hing s6 C cua nguyén ham véi cdc dicu kién cho trudc ta qui ve viée giai phrong
trinh dua vao diéu kién bai cho.

B. TOAN MAU

Vi du 39. Tim ham s6 y = f (x), biét ring f’(x)=-3x"+2x va f(1)=-2.

..................................................................................................................................................................

Vi du 41. Tim ham s6 v L), biét rang f'(x)=25inx—3005% va f(%]:-\/f
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Vi du 42. Tim m¢t nguyén ham F (x) ctia him s y =%, biét rang f (1)=4 va f(4)=9.
Vi du 43. Tim ham s6 y = f (x), biét rang f’(x)=ax+%, f(=1)=2, F(1)=4 va f’(1)=0.
X

C. BAI TAP TU LUYEN

Bai 15. Tim mot nguyén ham F (x) cla cic ham s6 sau:

1) y=2x2_-3- biét F(1)=4
X

2)  y=cC0s3x.cos3x biét F(%j =1.

s i - . o ~ - - Y 3 .
3) v=sin" x.cosx biét gid tri cua nguyén ham do bang —? khi x= %

_ X +3x7 +3x+1

2 42x+1
3

X AN ha. wid i
5) y=-——,biétrang F(x) triét tiu taix=1.
x°

1

4) , biét F(l)zg.

6) y=3x"-2x+1,biét F(1)=0.

7) biét F (0)=2.

1
y=—7
»Jx+1—\/;
A 1
8) y=e'™, biét F[—]=0.
2
9) y=sin [2;:-9, biét do thi ham s6 y = F (x) di qua géc toa do.

10) y = sin x.sin 2x.cos3x , biét F[%Jz{).
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BAI TAP TONG HOP VAN PE 1

Bai 16.  Chimg minh rang: F (x) 1a 1 nguyén ham ctia ham f (x).

1) F(x)=xlnx-x va f(x)=Inx.
2) F(x)=In(x+1+x) w o fa)=———.
Vi+x
2x—1 3
3) F =1 8 =—
S per R A v
4) F(x)=5x"+4x*-Tx+120 va f(x)—le +8x—7
5) F(x)=In(x+x"+3) va o f(x)=
Jx? +3
6) F(x)=(4x-5)-¢" va f(x)=(4x-1)
7) F(x)=tan" x+3x-5 va f(x)=4tan® x+4tan’ x+3.
x"+4
8) F Ir a =
) Flal= 1[ +3J ) f(x) (x +4) (x +3)
x\/_-i-l 2\/_(-7('—)
9) F(x)=In va X)=—7——.
) T % +x\/_+l fx) x'+1
Bai 17. Tinh dao ham ctia ham G (x) réi suy ra mot nguyén ham cua ham £ (x).
1) G(J::)=Jc2 Inx va _f‘(x)=2x1nx
" 3 . 1+x)
2) G(x)=(x‘—1)1n|l+x|— x"Inx va f(x)=x.ln[ ] :
x
Bai 18. Tim m, a, b, ¢ sao cho ham F(x) 1a mot nguyén ham ctia ham s6 f(x) ?
1) F(x)=(ax +bx+c)e" va f(x)=(2x‘—5x+2)e'
2) F(x)=(ax’+bx)Vx* —4x va F(x)=(x-2)vx’—4x.
20x% —30x+7
3) F(x)=(ax’+bx+c)v2x-3 va X)=———.
4) F(x)=mx’+(3m+2)x*—4x+3 va f(x)=3x"+10x-4.
2 2x+3
S) F(x)=In|x’ —mx+5 ‘ -
) F(x) n‘x mx ‘ va f(x) e
6) F(x)=(ax’+bx+c)-e’ va f(x)=(x-3)-¢".
7) F(x)=(ax2+bx+c)‘c'2x va f(x)=—(2x —8x+?) e ™
8) F(x):(ax2+bx+c)-e” va f(x)=(x ~—3x+2).e""'
9) F(x) (a+1)sinx+gsin2x+£sin3x va f(x)=cosx
10) F (x)=(ax’ +bx+c)-V3-x va F(x)=x3-x, (x<3).
Bai 19. Tim nguyén ham ctia ¢4 ham sé sau:
1) y=+x-2 (x+1) 3) y=4"+e
4) y=2"+3 5) y=(\/;+])(x-\/.;+l) 6) y=e"(1—e"’)
1 2x+1
7 I 8yt Bap 9) y=
) \/— \/— ) y=x-3x - )y o
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Bai 20.

Bai 21.

Bai 22.

. A - 5 - . A
Tim nguyén ham cua cac ham s0 sau:

1) y=cotx
4) y=sin5x.sin3x

2 X
7 =4sin” —
1 p=ta s

Tinh:
1) Ix(x+3)mdx

4) J'(zx+3]m

7 J"xl;ldx
10) J'%/}dx

13) j(1+f)12 xdx

19) Ilnx

22) I% dx

x+2

Tmh.
1) Itan xdx

tan 2x
4
) '[ cos” Zx

7 J‘cos2 xdx
10) J-cot2 xdx

13) IZcosx de

s1n ’C0052 X

16) Iszin(xg)dx
19) j[ian4x+tan°x)dx
22) J.cos;'1 xdx

25) j sin 4xsin 7xdx

COs X
28) ’[ 3sin” xdx

2) y=sin3x
5) y=cos3x.cos5x

8) y=e"(2+ eg ]
Cos™ X

2) [(2x+1)" dx

5) [(x*—4x+3)dx
gy [=
1) J'x\/}dx

14) f(2'-e") dr

(In ):)4 5

17) j

o -

23) j[e ——+5J

2) jcosj xsin xdx
5) Jcos xe™dx
J tan” xdx

11) j[tanx+cotx)2 dx

14) J'

Sl[l XCOS X

1?) JCOS\/_

20) j (sinx+cos x)” dx

23) Jcos“ xdx

26) j(sirﬁL x+cos* x) dx

29) J- COS 2x e
sin® xcos” x

3) y=sin3x.cos5x

6) y=sinxsin2xsin4x

T
9 =cos| ——2
) Y [4 XJ

3) jx’fmdx

6) [(4x° —4x+1)dx

9) Ix-i-—l

12) J' 2x'—l) dx

2x—4

12 '[x —4x+2

18) j

x+a

21 —CL
)‘[\U:+ 1—-vx—1 '
x4l P |

24) jz =5

4x° +4x° _ld.'r
2x—1

27) |
3) I(sinx+2cosx]dx
6) [|3cos’ = —si ]d
) I[ coS > sin x |dx
9) Jsin x.e* % dx

12) J.sin2 Sxdx

) '[1 cos2x

18) [cos x/sin x dx
21) [sin® xdx

24) J'sin3x.cos2xdx
27) [(sin® x+cos’ x)dx

30) j;m

sin’ [2x+£}
4
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Bai 23. Tinh cac nguyén ham sau:

El) Fom Jtanx di
cCos X

y s Jtan x
cos2x

1+sin2x) i

e) I= j
2sin xcos’ x+cos* x

dx

g 1= =
COS XCOS [I‘i‘ —]
4

Bai 24. Tinh cac nguyén ham sau:

21

sin x
b) I'= Icos %
d) I_J. dx

5cos” x—8sin xcos x+3sin” x

1

) 1=j‘ﬁdx

cos’ xsin” x

[3)
fan|{ x —
h) I=[——2dx

cos2x

a) I= J'COS  dx b) 7=[2Zdx 0) I=[———
sin - x sin- x sin” x - cotx
dx sin x
d) I= 17 e) 1=j = ) 1=Iﬁdx
COs xsin” x sinxsin(x+g] (sin x+cos.x)
Bai 25. Tinh cdc nguyén ham sau:
8 1= Jsmx cosx . b) 1=J . COs2x
sin x+cos x+ 2

s$1n x 4+ cos x

s2
8 I=I . 008 2.x :
(sinx+cos x+2)

e) I =Isin3 xA/cos xdx

Bai 26. Tinh cac nguyén ham sau:

d) 1= [sin2x(1+sin” x) dx

_ dx
i =y
d) I= JL
D
I\Jl—xg

f)1=[>—"dx
X

Bai 27. Tim mdt nguyén ham F (x) cua cdc ham soO sau:

a) f(x)=x"—4x+5 biét F(1)=

3-5%

¢) f(x)= biét F(e)=1.

& f(x):xx/;+% biét F(1)=-2

4 3

g) f(x)=3xx# biét F(1)=2.

. . z-x ok ﬂ- .77
—sin?Z ikt F| Z |=Z.

i) f(x)=sin 5 bic (2) S

2cos’ x—1 T\ &
b = biét F| — [=—
) £(x) o [4) 2
2
& Fr =2 vk B{l)=2

2
5 VI T
f) f(x)=sin2x.cosx biét F[EJ:O'

P43 43T
CA T i P (0)=8.
(x+1)

i f[-Y)=x-(x+l] biét F(1)=—
X

h) f(x)=
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Bai 28. Tinh cic nguyén ham sau:
a) Izjxsinxcosxd.x b) 1 =Jc_h -cos3x dx =Im
d) I =[x(2c0s’ x—1)dx 7=[x"Inxdx [=[——dx
) jx( Ccos” x ) X e) Ix nx ) J.sinzx
@) I=(x-2)edx h) 1= xin(x*+1)dx
Bai 29. Tinh cic nguyén ham sau:
a) I=Jx_?1.lnxdx b) 7= [cos/xdr ¢) 1= [sin/xdx
2
d) I =J(8x"’ —2x)c'rzd.x e) [ =J..r3.e‘ dx DI =J.xSc*']dx
@) I=[e™ sin 2xdx h) 1= [vx.e dx i) 1= [xIn(x* +1)dx
1+In(x+1 In(4x* +8x+3
) I:jin(qx i k) 1= [e*In(e" +1)dx h 1= fefalne!
g (x+1)
x'e* ( 1 ]
m) [ = _dx n) 7= [+/xInxdx oy I=[|1+ In(x+x—1)dx
'[(x+2)L j -[ 2% ( )
BAI TAP TRAC NGHIEM VAN DE 1
Cau 1.  [2D3-1] Tim nguyén ham ctia ham s6 f (x)=sin (2x+1).
1
A. [ f(x)dx=cos(2x+1)+C. B. [f(x x)dx=——cos(2x+1)+C.
C. ‘[f(x)dx=%cos(2x+l)+c. D. Jf(x)dx=—cos(2x+1)+C.
Cau 2 [2D3-1] Tinh nguyén ham cua ham ) f( ) e
_ ] 3x+2 Ix42
A.ffxdx—ge W, B. [ f(x)dx=e""+C.
C. [ f(x)dx=3¢""+C. D. [ f(x)dx=(3x+2)e*" +C.
Cau 3. [2D3-1] Trong céc khing dinh sau, khing dinh nao 1a ding?
A [ ()-8 (x)]de=[ £ (x)dx] g (x)dx B. [0dx=0.
C. [ f(x)dx=f'(x)+C. D. | f'(x)dr=f(x)+C
* % 7 2’6 +3
Caud4. [2D3-1] Cho hamso f(x)= . Chon phuong dn diing:
2x* 3 2x* 3
A Jdx=""—+2+C B. dr=""—-Z4C.
J‘fb) 3 jf(x) 3 X
C. [f(x)dx=20"-=+C D jf(x)dx=2—f+i+c
x 3 2x
Cau 5. [2D3-1] Nguyén ham cua ham sb f(x)=(2+ef‘-")3 la:
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Ciu 6. [2D3-1] Ham s6 F(x)= %x ~%sin 4x+C la nguyén ham cta ham s6 nao sau day:

A. %sin 2x. B. cos’2x. C. %{:052):. D. sin® 2x.
Cau 7. [2D3-1] Cong thirc nao sau day sai?
A. J]nxdx=l+C. B.J 1, dx=tanx+C.
& COS™ X
1 ; 1
C. [—dx=In|q+C. D. [sin2xdx=-—cos2x+C.
X 2
Cau8. [2D3-1] Khing dinh ndo sau ddy Ia khing dinh sai?
1 1 1
A. [—=dx=Vx+C. B. [dr=——+C.
.[2\/; '[x“ X
C.Jcosxdxzsinx+C. D.ja”d.‘x:a—+C.
Ina
Cau9. [2D3-1] Ho nguyén ham ciia ham s6 y ="' 1a:
A. F(x)=%e"”' +C. B. F(x)=3""+ C.
C. F(x)=3e""In3+ C. D. F(ﬂ:ée“‘.ln 3+ C.
Cau 10. [2D3-1] Ho nguyén ham ciia ham s§ f (x)= LZ-P 2' Ia
X
A. F(x)=Inx¥ +2In2+C. B. F[.x)=lnx2+12%2+C.
n
1 P 1.,
€. Fx)=—24——%C¢ D. F(x)=—+2"In2+C.
x In2 X
Cau 11. [2D3-1] Tinh nguyén ham jcos 3xdx.
A. —%sin 3x+C B. —-3sin3x+C L %sin?,x +C D. 3sin3x+C
Cau 12. [2D3-1] Biét jf (u)du = F(u)+C Ménh dé nao duéi day diing?
A. [ f(2x-1)dx=2F (2x-1)+C. B. [ f(2x-1)dx=2F(x)-1+C.
C. [ f(2x-1)dx=F(2x-1)+C. D. jf(2x—l)dx=%F(2x—l)+C.
Cau 13. [2D3-1] Tim nguyén ham cta ham sé f (x)=e¢".
A. [e”dr Llerse, B. [edr=¢"+C.
2
2x+l
C. [e¥dx=2e"+C. D. [e*dr=——+C.
2x+1
Cau 14. [2D3-1] Nguyén ham ctia ham s6 f (x)=x" WY
X
— X 3x
A. x-3x"+Inx+C. B.?— > +ln|x|+C.
3 2 3 3 2
g2 D. = -2 _mn|d+cC.
3 2 3 2
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Cau 15. [2D3-1] Himsd F (x)=e"—cotx+C 1a nguyén ham ctia ham sé f (x) nao?
1

A. f(x)=e"+— B. f(x)=¢"-—
s x sin- x
) 1 _ 1
C. flx)=¢"- o D f(x)—e“r\_ .
COSs™ X Sin X
Cau 16. [2D3-1] Tim nguyén ham ctia ham s6 f (x)=sin 2x.
A. 2cos2x+C. B. —2cos2x+C. C. lzcos2x+C. D. —%COSZJC-I-C.
Cau 17. [2D3-1] Tim nguyén ham ctia ham s6 f (x)=2""
” 4.r 2‘.\' 22.l‘—| . 2x+1
A. [2"dr=——+C. B.[2"dr= C. [2"dx=2—+C. D. [2"dx="—+C.
In2 In2 In2 n2
Cau 18. [2D3-1] Tim nguyén ham cia ham 6 f (x)=
A. [(x)de= B. [(x)dr=5"In5+C.
C. [(x)dx=5+C. D. [(x ¢x_15
n
Cau 19. [2D3-1] Cong thirc nao sau diy sai?
A.‘[e”d,rzlea"#C. B.j —dx=tanx+C.
3 Ccos”™ X
1 \ 1
C. [-dx=Inx+C. D. [sin2xdx=——cos2x+C.
X 2
Céu 20. [2D3-1] V6i a> 0, cho céc ménh dé sau
4 dx i ] +3 % I-H 27 _(ax+b]23
(:).jaﬂ1 —In(ax+1)+C. (it ).[a* dx = E+C (ii).| (ax+b) de="——+C
So cdc khang dinh sai Ia:
Ail; B2 . 3, P
Céu 21. [2D3-1] Tim nguyén ham ctia hAim s6 f (x)=2sinx.
A. [2sinxdx=2cosx+C. B. [2sin xdx =sin’ x+C.
C. [2sin xdx =sin2x+C. D. [ 2sinxdr=-2cosx+C.
Cau 22. [2D3-1] Tim nguyén ham cia ham & f (x)=
x atl
A. [7'&x=7"In7+C. B. j?-"dx— L ) [7"de=7""+C. D. [T ‘=T sC.
In x+1
Cau 23. [2D3-1] Tim nguyén ham cta ham s6 f(x)zs ! >
g
A | D Smfsx-2+C. B. | % linfsa-glie.
S5x-2 Sx— 5
C | & =In|5x—2|+C. D. | - =—11n\sx—2|+c.
5x-2 5x-2 2
Céu 24. [2D3-1] Tim nguyén ham ctia ham s f {2)= % A
A. In(2x-1)+C. B. lzln(Zx—l)+C. C. In[2x-1|+C. D. lzln\zx-1|+c.

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




GV. TRAN QUGC NGHIA - suru tdm va bién tap 25

Ciu 25. [2D3-1] Ham sb F(,x) = %ez"' la nguyén ham cua ham sO
A. f(x)=¢". B. _f(x)=2xc"':. C. f(x)zz : D. f[x)zxze‘: —1.
x
Cau 26. [2D3-1] Trong cac ham sO sau day, ham s nao 1a mot nguyén ham cua f (x) =g
A. e, B. %ez". C. 2¢*. D. e".
Cau 27. [2D3-1] Trong cdc ménh dé sau, ménh dé nao sai?
A.Néu F(x), G(x) la hai nguyén ham ciia ham s6 f(x) thi F(x)+G(x)=C, véi C 1a mot
hang sd.
B. Moi ham s lién tuc trén K d&u ¢6 nguyén ham trén K .
C. Néu F(x) la mét nguyén ham cua ham 50 f(x) thi If F(x)+C, véi C 1a mit
hang s.
D. Néu F(x) la mot nguyén ham cta ham s6 f(x) thi F(x)+1 cling Ia mot nguyén ham cia
ham s6 f (x).
Cau 28. [2D3-1] Tim nguyén ham cta ham s6 f (x)=3""".
2x+l
A. [ f(x)dx=(2x+1)3" +C. B. [ f(x) dx—3 e
In3
2x+l
C. x)dx= +C. D. x)dx=3""1n3+C.
J£(x)dr=— [£()
Ciu 29. [2D3-1] Tim nguyén ham cua ham sé f (x) = x
A [f(x)dx=x"+C B. | f(x)dr=cx*+C
e e+l
; X
B4 x)dx= +C D. X)de= +C
[ (x)de= J £ (x)de=——
Cau 30. [2D3-1] Tim nguyén ham cia ham s f (x)=cos2x.
1 |
A. dx——sm2x+C B. x)dx=——sin2x+C.
[ (x)dv=3 J£(x)de=—2
& If )dx=2sin2x+C. D. jf'(x)dxz—Zsian-i-C.
Céu 31. [2D3-1] Trong cidc ménh dé sau, ménh dé nao sai?
A.Jsinxdx=cosx+C. B.J2xdx=x2+C.
C.Je”dx=e'r+C. D.jldlen‘x‘+C.
¥
Cau 32. [2D3-1] Ménh @& nao sau day la diing?
dx . .
A. [==2Jx+C. B.[2dx=2"+C. C. j%:lw. D. j‘i— =In|x|+C.
Jx X x x+1
Cau 33. [2D3-1] Tim nguyén ham J-%dx ;
—2x

1

-2x

His

A. | L gr=im dr =21~ 22|+ C.
1-2x 2 |l 2

1

1-2x

+C.

dx=In

C.jl_lzxdlen\l—zx\Jrc. D. |

1-2x
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Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Céu 39.

Cau 40.

Cau 41.

Cau 42.

[2D3-1] Néu J'f (x)dx=e" +sinx+C thi f(x) bang:

A. e' +sinx. B. e' —sinx. C. e'—cosx.

dx ;
[2D3-1] Tinh j ——. Két qua la
Ji—x

C 2
A. . B. C\l—x. L. +¢. D. 2¥1-x+C.
yl—x 1-%
[2D3-1] Tim nguyén ham cia hams6 y = f (x)= 1} :
T cos 2x
A.Jf().)d;»: _ l B, B. [ f(x)dx=2tan2x+C.
sin” 2x
C. I_f(x)dx=%tan2x+c. D. [ f(x)dx= +C.
[2D3-1] Tim nguyén ham cua ham sb f(x)—]n—"C
X
A.jf(x)dx:%lnlﬂc. B. [f(x) dx—v—ln x+C.
C. [f(x) -—iln x+C. D. jf(x)dx:lnx+c.
[2D3-1] Tim nguyén ham ctia haim 86 f (x) =cosx+3sinx.
A.If(x)d.x:sinx+3€05.r+c. B. jf dx=sinx—cosx+C.
C. J-f(x)dx:sinx—Scosx-l-C. D. _[f rir—-'f,mx+3coex+C

[2D3-1] Phat biéu nao sau day la ding?
x*+1

A [(x+1) da=

3

ol j(fﬂ)zdx:%j

-

[2D3-1] Cho ham s6 y= f(x) lién tuc trén R va thoa man _[j

Ham sb f(x) la

A. _f(,x)=x4—x3+x2+Cx. B
C. f(x)=x"0x"+x*+Cx+C". D
[2D3-1] Tim nguyén ham ctia ham s6 f (x)=~/x

2x

P A, D. I(x2+l)2dx:£+—+x.
3 5

- fx) =122 —6x+2.

D. e* +cosx.

0. B. [(x*+1)dr=2(* +)+C.

3

f(x)=12x"-6x+2+C.

A. [ f(x) ch_-—\/—HC B.jf(x)d')r:%\f;—i-c.

C. [f(x)dx=2xJx+C. D.‘[f(x)dxzi

dx 4% 32 +2x+C.

[2D3-1] Cho ham s6 f(x) thoa man céc diéu kién f7(x)=2+cos2x va f(%} =27 . Ménh

dé nao dudi day sai?

A. f(0)=7. B. /(x)=2e+22

sin 2x

C. Fla)=2x—

-
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Chu 43. [2D3-1] Tim nguyén ham cua ham sb flx)= .12 ;
sin” x
A. Ij x)dx=tanx+C. B. If(x)dx:cotx+C.
C. [ f(x)dr=—cotx+C. D. [ f(x)dr=—tanx+C.

Cau 44. [2D3-1] Trong cic khémg dinh sau, khing dinh ndo 12 sai?
A [(A(x)+ £ (x))de=[ £ (x)dx+[ £, (x)dx
B.Néu F(x) va G(x) déu 1a nguyén ham caa ham sé f(x) thi F(x)-G(x)=C(véi C Ia
héng sé)
€. Ju dx—i—j (x)dx=u(x)v(x).

D. F(x)=x" la mdt nguyén ham ctia f (x)=2x.
Ciu 45. [2D3-1] Nguyén ham ctia ham 6 f (x)=7x" 1A

A. F(x)=35x"+C. B.F(x)z%x"JrC. C. Fx)=35"kE2° D, Fx)=5x"+C.

Cau 46. [2D3-1] Tim nguyén ham cta ham s f(x)=x" +iq ?
"

# 2 # 1
A. jf(x)dx=?-;+c. B. jf(x)dng-?c.
x 2 x 1
C.Jf(x)dx=?+;+C D.J.f(x)dx:?+;+C.

Cau47. [2D3-1] Biét F(x) la nguyén ham cua f (x)=4" va F(1) =%. Khi d6 gid tri caa F (2) bang
n

Rt g, i G o, )
In2 In2 In2 In2’
Cau 48. [2D3-1] Mot nguyén ham F(x) cua ham s6 f(x)=sinx+ 'q thoa min diéu kién
cos” x
F(£]=£ Ia
4 2
A. F(x)=-cosx+tanx+C. B. F(x)=—cosx+tanx—2+1.
C. F(x)=cosx+tanx+\/§—l. D. F(x}:—cosx+tanx+\/-2-—l.

Ciau49. [2D3-1] Him s6 y = sinx la mot nguyén ham ctia ham sb nio trong cdc ham s6 sau?

A. y=sinx+1. B: y=eosx. C. y=tanx. D. y=cotx.

Cau 50. [2D3-1] Cho ham s6 f(x)=

2

—— . Néu F(x) la mot nguyén ham ctia ham s6 va F[EJ =0
sin” x 6

thi F(x) la

A. \/g—cotx‘ B.?—cmx. C. —v/3—-cotx. D. —?—cot.x.
Ciu 51. [2D3-1] Phit biéu nao sau day la ding

A. _[e" sin xdx =—e"* cos x+ je‘* cos xdx. B. Je"‘ sinxdx=¢e" cos x— je"' cos xdx.

C. Je‘ sin xdx =e* cos x+ Ie"' cos xdx. D. je" sin xdx =—e" cos x—Ie"' cos xdx.
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Céu 52. [2D3-1] Nguyén ham cia ham s6 f(x)= 1 12
2x+1
A. é«12x+l+c. B. 2J2x+1+C. | G2 21 1+C. D. V2x+1+C.
X+
Cau 53. [2D3-1] Ham s6 nao sau ddy 12 mot nguyén ham cua ham s6 f (x)= 2]
x—x
A. F(x)=—In[x[+In|x-1l. B. F(x)=In[xl+In[x-1].
C. F(x)=—In[x]-In|x-1]. D. F(x)=In[x|-In|x-1].
Cau 54. [2D3-1] Tinh nguyén ham I[ )dx
2x+3
A, Eln|2x+3|+C. B.%ln(2x+3)+C. C. 2In]2x+3|+C. D. In|2x+3|+C.
Cau 55. [2D3-
1 | 2
.- = +C. B. In[2x+1|+C. C.—ln|2x+1+C. D.- +C.
(2x+1) 2 (2x+1)
Céau 56. [2D3-1] Trong cdc ham sO sau:
(D f(x)=tan’ x+2 ) f(x)= 2@ (II) f(x)=tan’ x+1
cos” x
Ham s6 nao c6 mot nguyén ham 1a ham s6 g (x)= tan x.
A. (), (ID), (III). B. Chi (II), (I1I). C. Chi (I1D). D. Chi (II).
Cau 57. [2D3-1] Phét biéu ndo sau diy 1a ding?
A. Isin 2xdx =22 = C.(CeR). B. jsiandx=cost+C.(Ce R).
C. J-sin 2xdx =~C052x+C,C eR. D. Jsiand.x =2cos2x+C,.Ce R.
Cau 58. [2D3-1] Nguyén ham ciia ham s6 y = (x+1)cos x la
A. F(x)=(x+1)sinx—cosx+C. B. F(x)=(x+1)sinx+cosx+C.
C. F(x)=—(x+1)sinx—cosx+C. D. F(x)=—(x+1)sinx+cosx+C .

Cau 59. [2D3-1] Trén khoang (0; +oo), ham s6 y=Inx la mdt nguyén ham cua ham )

A. y=xInx—x. B. y=xIlnx—-x+C,CeR.
C. y=l+C,CeR. D. _v=£.
X x
Céu 60. [2D3-1] Nguyén ham cua ham s6 Flx)=% 1
A. [f(x)dx=—e"+C. B. [ f(x) 2B,
C. [f(x) —°‘+C D. _[f(x)d.x:%e"z*+(?.

Cau 61. [2D3-2] Cho y= f(x), y=g(x) 1a cdc ham s6 lién tuc trén. Tim khang dinh sai trong céc

khang dinh :».au‘?

A [[f(x)+g(x)]de=[f(x)dx+[g(x)dx. B. [kf(x)dr=k[f(x)dx, (ke R\O}).

C [[£(x)-e(0)]ac=[r(x)defg(x)de D ([£(x)ax) = (x).
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Céu 62. [2D3-2] Biét F(x) ]a mot nguyén ham ctia ham £ (x)=sin2x va F(ﬂ:l.mh F(%j.

A. F[5J=l. B. F[szo. o F(f]zi. D. F[szi.
6) 2 6 6) 4 6) 4
~ . PRI L £ 2x43 ..
Céu 63. [2D3-2] Tim ho cdc nguyén ham cia ham s f (x)= i la:
—
A. 2x+5In|x—1]+C. B. 2x* —Slnx—1+C.
C. 2x* +In|x-1]+C. D. 2x+5In(x-1)+C.
; 1
Cau 64. [2D3-2] Nguyén ham cia hamso f(x)=——— Ia
l I Neuy f( ) 2x +3x+1
AT s S e, ©n 2x'1‘+c. N Can IR
x+1 2x+1 x—1 2 | x+1

Cau 65. [2D3-2] Biét F(x) 1a mdt nguyén ham cua clia ham s6 f(x)= va F(-3)=1. Tinh

X+2
F(0).

A. F(0)=In2+1. B. F(0)=In2-1.  C. F(0)=In2. D. F(0)=In2-3.

Ciu 66. [2D3-2] Tim mdt nguyén ham F (x) clia hamsé f(x) =4'2*"

24x+i 24x+3

A. F(x)= ; B. F{x)=23"12.NC. F(x)= ; D. F(x)=2""1n2
In2 In2
Cau 67. [2D3-2] Trong cic ham s6 dudi ddy ham sb nao khéng phai 1a nguyén ham cia ham sb
f (3) =wiie 27
A. F](x)zécost. B. F,(x)=sin’x+2.
C. Fg(x)=%(sin3x—coszx). D. F,(x)=—cos" x.

Cau 68. [2D3-2] Tim nguyén ham ctia ham sé f (x)=¢>".
A. [dr=e*In5+C. B-_ff(x)dx=ées"'+c.

C. [f(x)dx=5¢"+C. D. [ f(x)dx=e"+C.

2
Céu 69. [2D3-2] Biét F(x) la mot nguyén ham cia cia ham sb £ (x)=2x—3cosx va F(§]=%.
Gid trj F(7) Ia
A. F(m)=n"-3. B. F(7)=n"+3. C. F(m)=n+3. D. F(z)=n-3.

Cau 70. [2D3-2] Biét F (x)=(ax+b)e" 1a nguyén ham ctia ham s6 y =(2x+3)e". Khidé a+b la
A. 2. B. 3. C. 4. D. 5.

Cau 71. [2D3-2] Tim nguyén ham F (x) cia hamsd f(x)=e*(2e" +1) biét F(0)=1.
A. F(x)=2x+e™ B. F(x)=2x—e*+2.
€. F(x) =24e". D. F(x)z 2x—e " +1.
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Cau 72. [2D3-2] Cho F(x)la mdt nguyén ham ctia f(x)=¢" théa F(0)=1. Ménh dé ndo sau day Ia

ding?

A. F(x)=lc'“+1. B. F(x)=le‘7”'.
3 3

C. F(x)=2e"+2. D. F(x)=—se™ 4.
3 3 3 3

Cau73. [2D3-2] Cho hamsd f(x) théa man f”(x)=12x>+6x—4 va £(0)=1, £ (1)=3. Tinh £(-1).

A. f(~1)=-5. B. f(-1)=3. C. f(~1)=-3. D. f(~1)=-1.
Cau74. [2D3-2] Himsd F(x)=3x"+sinx+3 12 mdt nguyén ham ciia ham s6 ndo sau day?

A. f(x)=12x" +cosx+3x. B. f(x)=12x"—cosx.

C. f(x)=12x" +cosx. D. f(x)=12x"—cosx+3x.

Cau 75. [2D3-2] Tim nguyén ham F (x) ciia hamsé f(x)=+e> +e 2 42

A. F(x)=e'+e"+C. B. F(x)=%e""%€"+c_
C. F(x)=e'—e"+C. D. F(x):%el"—%e By

Cau 76. [2D3-2] (THPTQG-17) Cho ham s6 f(x) théaman f’(x)=3-5sinx va f(0)=10. Ménh dé
nao duoi day la dang?
A. f(x)=3x+5cosx+5. B. f(x)=3x+5cosx+2.
C. f(x)=3x—5cos x+2. D. f(x)=3x—5cosx+15.

Cau77. [2D3-2]Cho F(x) Ia motnguyén ham clia hims6 f (x)=e" +2x théa mén F(O)=%. Tim F (x).
A. F(x)=ev+x2+%. B. F(x)zZe"'+x2—%.

C. F(x)=ef+x2+%. D. F(x)=e"’+x2+%.

Cau 78. [2D3-2] Tim nguyén ham F (x) ciia ham s f(x)=sinx+cosx thod man F[%] =2
A. F(x)=cosx—sinx+3. B. F(x)=—cosx+sinx+3.

C. F(x)=-cosx+sinx—1. D. F(x)=—cosx+sinx+1.

L F(2)=3+%In3. Tinh F (3).

Cau79. [2D3-2]Biét F (x) la mot nguyén ham ctia hamsd f (x) = o
X—

A. F(3)=2In5+3.  B. F(3)=%In5+3. o F(3)=%In5+5. D. F(3)=-2In5+5.

Céu 80. [2D3-2] Nguyén ham cua ham sé y = x* —3x -1“l la:

X
3 2 3 2
A, Fla) =2y lnpa, B, Flx)=2-X i+,
302 3 2
3 2 3 2
C. F(x)zl——3i+ln|x|+c. D. F(x)zx——3i+lnx+C.
3 2 32

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




GV. TRAN QUOC NGHIA - suru tdm va bién tap 31
Cau 81. [2D3-2] Tim gid tri cia m dé ham s6 F (x)=m’x" +(3m+2)x* —4x+3 la mdt nguyén ham

cua ham s f(x)=3x"+10x—4.

A.m=2, B. m=4%1. C. m=-1. D. m=1.
Cau82. [2D3-2] Chohamsé y = f (x) théa min f'(x)zzl -/ (1)=1.Tinh £ (5).
s
A. f(5)=]51n3. B. f(5)=In2. C. f(5)=In3+1.  D. f(5)=2In3+1.

Cau 83. [2D3-2] Cap ham s6 nao sau diy co tinh chat: ¢6 mot ham so6 la nguyén ham ctia ham so con lai?

A. f(x)=tan’x, g(x)= B. f(x)=sin2x, g(x)=cos’x.

cos’x?
C. f{x)=¢,.g(x)=e? D. f(x)=sin2x, g(x)=sin’ x.
Cau 84. [2D3-2] Tim nguyén ham cua ham s6 f(x)z@.
A. Jf(x)dx:~ 2; +cosx+C B. _[f(x)dx:ln |x|—cosx+C
C._[f(x)dx:—xiz+cosx+c D.jf(x)dx=1n|x|+cosx+C

Cau 85. [2D3-2] Biét F (x) la mot nguyén ham clia ham s§ £ (x)= 57 e (?;m] va F(0)=1.

Tinh gid tri cua F (2).
A. F(2)=1+In5. B.F(Q):H?. C.F@2)=22.  D.F(2)=2-L
Cau 86. [2D3-2] Tim mdt nguyén ham F (x) ctia ham s§ f (x).g(x), biét F(2)=5,[ f(x)dx=x+C

2

va jg(x)dxz%+C.

2 2 3 3

A. F(x)=2+4. B. F(x)=2-45.  C.F(x)=2+5.  D. F(x)=2-43.
4 4 4 4
Cau 87. [2D3-2] Xdc dinh ham s8 y = f (x), biét f'(x)=Jx+x*+1 va f(1)=2
4,2 x? 7 4 3 X 7
A. ==X +—+x——, B. =g g,
f () 37 T4 f(x) 3V T4
3 2 & 3 2 X 7
C. ==x?+—+x. D. =—x*t+—tx——.
f(x) 41’ 1 % f(x) 4x ” X >

Chu 88. [2D3-2] Biét F (r) la mOt nguyén ham cua f(x) = % va F (2) =1. Tinh F(3).
x—]
|

A. F(3)=In2-1. B. F(3)=h2+l.  C. F(3)=1. D.F(3)=%.

Céu 89. [2D3-2] Cho f(x)= ﬁ Ham s6 nao sau day khong phai la nguyén ham cua f (x)
x

ln‘4x+6‘ In‘2x+3|
A. F(x)=———+4. B. F(x)=——+4.
4 2
In ,\r+é
Inld4x+6
C. F(x)=M+4. D. F(x)=— 244,
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Céau 90.

Cau 91.

Cau 92.

Céau 93.

Cau %4.

Céu 95.

Cau 96.

Cau 97.

1

[2D3-2] Tim nguyén ham cia ham s f (x)=

fax
A.If'(x)dx:%34x2+C. B.J'f(x)dx=%-‘4x2+c.
3 3
o dx = . D. [ f(x)dx=— &.
J7 Ao e sfior

[2D3-2] Tinh [(x—sin 2x)dx

A. 1; +sinx+C. B. ;‘

+cos2x+C. C. x° -i“%COSZI-!“C. D. %-f-%costﬁ-C.

[2D3-2] Biét ring F(x) 1a mdt nguyén ham cua ham ) f(x)=sin(1-2x) va thoa min

F[%j =1. Ménh dé nao sau day la ding?

A. F(x)z—%cos[l—2x)+§. B. F(x)=cos(1-2x).

C. F(x)=cos(1-2x)+1. D. F(x):%cos(l—2x)+

[2D3-2] Ménh dé nao dudi day sai?

A. If dx= f(x)+C véi moi ham f(x) c6 dao ham trén R.

B. ka x)dx= k_[f )dx véi moi hing s6 k va véi moi ham sé f(x)lién tuc trén R.

C. [[f(x) x)]dx [ £(x)dx—[g(x)dv, véi moihams6 f (x), g(x) lién tuc trén R.
D. I[f(x ]dx J.f dx+Jg v)dr, véi moi ham sé f (x), g(x)lién tuc trén R.

[2D3-2] Tim nguyén ham ciia ham s6 f (x)=cos’ x ta dugc

cos2x sin 2x
A. [ f(x)dx=2- +C. B. [ f(x)dx=2- +C.
If 2 4 jf 2 4
C. [f(x)dx=24220 0 D._[f(x)dx=§+sm2x+c.
[2D3-2] Céc ménh dé sau, ménh dé nao SAI?
A. [k f(x)de=k[ f(x)dx, (ke R') B. [ f(x).g(x)de=[f(x)dx[g(x)dx

C._[f"’(x)f’(x)dxzw+c, m#-1). D. [[£(x)+g(x)]de=[f(x)dx+[g(x)dx

m+1

i
[2D3-2] Tmhj = dx. Két qua sai la
X

A. 2(2‘“ +1)+c. G o o) 2(2*5 —1)+C. o W M o

[2D3-2] Tim mdt nguyén ham F (x) ciahamsé f(x)=2x(x*+1)", biét F (1)=6.

xz(x2+l)5 ) (x2+])5 5
A. F(.X)zf—g. B. F(X)z 5 —g.
2(2+1) 2 1) 2
C. F(x)z%%. D. F(x):( y ) —
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Cau 98.

Cau 99.

Cau 100.

Céu 101.

Céu 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

[2D3-2] Néu F (x)=G (x)+3 thi

A. [F'(x)de=[G'(x)dx. B. [ F'(x)dv=[[G’(x)+3]dx.
C. [F'(x)dx#[ G (x)dx. D. [ F'(x)dx=[3.G'(x)dx.
[2D3-2] Biét If(r) dx=sin3x+C . Ménh dé nao sau day la ménh dé ding?
A. f(x)=-3cos3x  B. f(x)=3cos3x C. f(.r)=—00;3x. D. f(.r)=CO;3x.
[2D3-2] Tim mot nguyén ham F (x) cta ham sb f(x)=ax+£4_(x¢0), biét ring F(-1)=1,
.
F(1)=4, f(1)=0.
R B e i, Bl 5
4 2x 4 4 2x 4
@ Fl= et 1 D F{i)=2% A
2 4x 4 7 O3 \2

[2D3-2] Cho F(x) la mot nguyén ham cia ham s6 f(x)=cotx trén khoang [OQ?E] Thoa

i F(£J=0. Tinh F[EJ.
4 2

A. F[£J=—1n\/§. B.F[5]=lln2. C.F[£]=—ln2. D.F[£]=—21n2.
2 2)" 2 2 2

[2D3-2] Tim nguyén ham F (x) :J(x+sin x)dx biét F(0)=19
A. F(x)=x"+cosx+20. B. F(x)=x"-cosx+20.
[ F(x)zéxz—cosx+20. D. F(x}=%x2+cosx+ 20.
[2D3-2] Tim nguyén ham cia ham sb f(x) =e'{2+ ° 2 ]?
cos” x

A. F(x)=2e" +cotx+C. B. F(x)=2e"—tanx+C.
C. F(x)=2e" +tanx+C. D. F(x)=2¢"—tanx.

1)
[2D3-2] Tim [(x 2) dx.

b

A.x+2|n\x|+l+c. B.x—21n\x|—]—+c. C.x—21n\x|+l+c. D.x+21n|x\—l+c.
X X X X

[2D3-2] Tim nguyén ham cia ham s6 f(x)=cos’ xsinx ?

A. Jf(x)dx:—%cosé x+C. B. _[f(x)dr: _%Sinﬁx+C‘

C. _[f(x)dxzécosﬁx-i-c. D.jf'(.x)dx:—%cos4x+(?.
[2D3-2] Tim nguyén ham cia ham s6 £ (x) = (tan x+cotx)’.

A. [ f(x)dx=-2cot(2x+20177)+C. B. [ f(x)dr=tan x—cotx+2x+C.
C. Jf(x)dx=tan x+cotx+2x+C. D. jf'(x)dx:—%cothﬂirC.
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Cau 107. [2D3-2] Tim nguyén ham F (x) ctia ham s6 f (x)=cos2x, biét rang F[§]=2E.
. ; 3z
A. F(x)=sinx+2x. B. F(x)= x+s1n2.x+?.
k-
C. F(x)=551n2x+275. D. F(x)=2x+27x.

Cau 108. [2D3-2] Tim nguyén ham ciia ham & f (x)=(2x+1) .

A. jf'(x)dx=%(2x+1)‘°+c. B. J.f(x)dx=%(2x+1)9+C.

G (1 2x+l) +C. D._[f(x)d.xz%(Zx+]_)°+C.

xlnx e

cA m(e erlem o{(2))oms

Céu 110. [2D3-2] Cho hai ham y = f(x),y= g(x) ¢6 dao ham trén R . Phat biéu nao sau diy ding?
A.Néu [ f(x)dv=[g(x)dx thi f(x)=g(x),VxeR.
B.Néu f(x ) g(x)+2017,Vxe R thi [ f'(x)dv=[g’(x)

Cau 109. [2D3-2] Cho F (x) Ta mot nguyén ham ctia ham s§ f (x) = L w F(e)=3. Tinh F[lj

C.Néu [ f(x)dx=[g(x)dx thi f(x)#g(x).VxeR.
D. Néu [ f'(x)dr=[g'(x)dx thi £ (x)=g(x),7xeR.
Cau 111. [2D3-2] Nguyén ham ctia ham sé f(x)=xy1+x° I
A. é(fﬁ)+€. B. %(f@)ﬂc.
C. %(m)w D. %(xEM]JrC.

Cau 112. [2D3-2] Cho F(x) 1a nguyén ham cia ham s6 f (x)= va F(0)= —%lnél. Tap nghiém

¢+
S cua phuong trinh 3F (x)+In (e" +3) =2 I
A. S={2}. B. 5§ ={-2;2}. C. s ={1;2}. D. 5 ={-2:1}.

Cau 113. [2D3-2] Goi F (x) 1a mot nguyén ham cia ham s6 f(x)= = thod mén F(2)=0. Khi
8—x

d6 phuong trinh F (x)=x c6 tong tat ci cdc nghi¢m bing

A Tinl3, B4, C.1. D. 1-3.
,\ ; s , ‘ In3x
Cau 114. [2D3-2] Tim nguyén ham cua ham so6 f (x):
X
A. J'1“3xd_x=l1n23x+c B.jl"3xdx=lln33x+c
X 6 X 3
C. jlandx=§1n23x+c D. J""3"‘dx=lln23x+c
¥ 2 2
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Ciu 115. [2D3-2] Biét F(x) la mot nguyén ham cta ham 50 f(x)=vIn’x+1. L] va F(l)—%. Tinh
X
[F(e)]'.
2 8 2 8 . 2 2 ]
A. [F(e)} =§. B. [F(e)] =§. C [,F (e)] =§. D [F(e)] =a.
Cau 116. [2D3-2] Néu F (x) = [x(3-x) dx th
A. F(x)=(3—,x)6{3;x—lJ+C. B F(x)=(3—x)6[3 "+lj+c
6 2 2
3—x 1 6 3—x 1
C. F(x)=(3-x)"| ==—=|+C. D. F(x)=(3 — = kY
(=321 ()= (22-1)
Cau 117. [2D3-2] Cho [ =Ix(l—x2)m dx. Pat u =1-x*, khi d6 viét 1 theo u va du ta dugc
Al :jzumdu. B. I :—2ju'”du.
C.1I =—ijumdu ; D. I=1J.u“’du ;
2 2
Cau 118. [2D3-2] Cho nguyén ham I= dr. Néudat r=+x+1 thi I= dt trong do:
[ ] guy '[14‘\{'/? X Jj g

A. f(t)=r+1.
C. F(t)=*~t.

Cau 119. [2D3-2] Biét F (x) la mot nguyén ham ctia chia ham sé f (x) =

As F(0)=—%ln2+2.

C. F(0)=~21ng~2.

2x+3

Cau 120. [2D3-2] Tim ham sd f (x) biét f"(x)= :
x+1

A. f(x)=x"+In|x+1].
C. f(x)=2x+In|x+1[+1.

Céu 121. [2D3-2] Ham s6 nao sau ddy khong phai 1a nguyén ham ciia ham s f(x)=

A. F(x)=In]2x+1]+1.
C. F(x)=%ln‘4x+2|+3.

2x+1

Cau 122. [2D3-2] Nguyén ham ciia ham s6 y = =
X

A. sz-” d,r=2x—%]n|x+l|+C.

C. sz+1 ~x2—1n|x+l|+C.

x+1
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la:

B. f(t)=2¢" +2r.
D. f(1)=2r"-2.

sin x
1+3cosx

B. F(0)=—%In2+2.

va F{%)———Z!.'I“mh F (0)

D. F(O):-%lnz—z.

va f(0)=1.

B. f(x)=2x+In|2x+1/-1.
D. f(x)=x+In|x+1+1.

1
2x+1

2

B. F(x):%ln‘2x+1|+2.

D. F(x}=£1n(4x2+4x+l)+3.

B. J‘zx” dx =2x—In|x+1[+C .

D. jZ"“ dr =2x+In|x+1|+C.
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x+3
x*43x+2

Cau 123. [2D3-2] Tim nguyén ham j

[ _qe=2m[x+2-mfx+1+C.  B. [ S d=2infxt-Injr+ 2+ C.
x“+3x+2 x*+3x+2
C|[—— i de=2In|x+1|+In|x+2/+C. D. J.273dx=ln|x+1|+21n|x+2|+c.
X +3x+2 X +3x+2
Cau 124. [2D3-2] Tim nguyén ham / = | g L 4
_x'
Ml S8 E Bl liE, O Pechlf e Bai=—nfYd
2 |x=2 2 |x+2 x+2 4 |x-2
A - A x re oam a “ a ~ A o \ A X(X+2)
Céau 125. [2D3-2] Ham s6 nao dudi day khong la mot nguyén ham ciia ham s6 f (x)= ( 1)2 ?
X+
2 2 2 2 s
x-x-1 B. c X tx+l p X +tx-1
x+1 x+1 x+1 x+1

Céu 126. [2D3-2] Gia su f(x)=Isin 2x.cos3xdx=F (x)+C (F(x) khong chia h¢ sé tuy do) va
£(0)=0. G tri cia C 1a

Ay B. 2. e -2, D2
5 5 5 5
Citn 127, [2D3:2] Nguyén it i bim o8 f )= 12552
COS™ X
A. 2(tanx+x)+C. B. tanx—x+C. C.2(tanx—x)+C. D.2tanx+C.

Cau 128. [2D3-2] Tim mdt nguyén ham F (x) ciahimsé f(x)=sin x.cosx, biét F( 2 ] =1.
A. F(x):—icos2x+l. B. F(x):—%coszx+1.
54 F(x)=—%c032x+l. D. F(x)=-cosxsinx+1.

Cau 129. [2D3-2] Phat biéu nao sau diy ding?

2
o X
A. sm—~cos—] dx=x+cosx+C.

2

2

B
C.

[lsin-eos3
. J[sinf—cos%] dx=x—-cosx+C.
flsng-eos3

v % ®Y
sma—cos—] dx=x+2cosx+C.

3
D. I(sm—t—cos—J die= l[sini—cc‘sij +C.
2 2 3 2 2

Céu 130. [2D3-2] Nguyén ham cua ham sb: y =cos® x.sinx [

A. _?]cos3 b, B. %cos"’ x+C. C. —cos’ x+C. D. ésin"ﬂ-c.
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Céu 131. [2D3-2] Cho ham s6 file)= 9 4 cos? x. Tim tat ca cdc gid tricua a dé f (x) c6 mdt nguyén
T

ham F (x) thoa man F (0) =~ F(£]=£.

4’ \4) 4
A 7-2. B. 7-1. cZ-q. D.Z-2,
2 2
CAu 132. [2D3-2] Phét biéu nao sau day la dung?

A. Jtanzxd.x=tanx—x+C,CER. B. Jtanzxd.xztanx—x.

3 3
C. Jtanzxd.x=tan 2. D J.tanzxdx=tan x+C,CE R.

X x

Céu 133. [2D3-2] Ho nguyén ham cta ham sb f(x)=xsinxcosx la

A. l[isin 2x+2 cos 2x]+C. B. —i[lsin 2x—2 cos 2x]+C.
2\ 4 2 204 2
(1. X I(1. X
C. —| —sin2x——cos2x |[+C. D. ——| —sin2x+—cos 2x |+C.
2\ 4 2 2\ 4 2
Céau 134. [2D3-2] Cho F(x)= 5 la mot nguy€n ham cua ham 50 M Tim nguyén ham cia ham s6
5 X
S (x)lnx.
¥ Inx 1 r Inx 1
A.Jf(x]]n.xdx=— —+— |+C. B.j.f (x)lnxdx=—+—+C.
x 2% x X
g, Jf'(x]lnxdxz—(m—2x+qu+C. D. jf’(x)lnxd.xzh’—f+ L 4D,
X b o X 2x
Cau 135. [2D3-2] Tim nguyén ham cia hamsé f (x) = sin x.sin5x.
A. —cosx+COSSx+C. B. lsinﬂr.rc—Lsinﬁx+C.
3 12
G2 —lsin 4x+Lsin 6x+C. D. l(sinflx—sin 6x)+C.
8 12 2
Céu 136. [2D3-2] Tim nguyén ham cua ham s y = f (x)=cos’ x.
_ 4 i 1{sin3 .
A [F(x) =" B. Jf(x)dx=—(sm x+3smx)+c.
x 4
1. 3 cos® x.sin x
C. dx=—sin3x——sinx+C. D. dx=—+C.
Jf(x] Tie jf(x) 2
Cau 137. [2D3-2] Nguyén ham ciia ham s6 y=e".cosx la:
A. Jc'.cos xdx:%e'“ (sinx+cosx)+C. B. Je“'.cos xdx =%c'r (sinx—cosx)+C.
€. Je".cosxdx=e" (sinx+cosx)+C. D. je"'.cosxdxz-%e"’ (sinx+cosx)+C.

Ciu 138. [2D3-2] F(x) la mdt nguyén ham cua ham s0 f(x)=Inx va F(1)=3. Khi d6 gid tri cua
F(e) la:

A. 3. B. 1. C. 4. D. 0.
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Cau 139.

Cau 140.

Cau 141.

Cau 142.

Cau 143.

Cau 144.

Cau 145.

Cau 146.

Cau 147.

[2D3-2] Tim nguyén ham J'sin Jxdx .

1
A. [sin+/xdx=
I 20x

C. J‘sin\/;dxzcos\/;+c.

x+C.

COs

[2D3-2] Tim nguyén ham ciia ham s6 f (x) = xe

A. Ixe"d.x=(x+])e‘+C.
33 Ixe_*dx=—(x+1)e'“+C.

[2D3-2] Tim nguyén ham [ = [ xIn (2x—1)dx.

_4x -1 x(x+1)
4

A. T +C.

In|2x—1|+

_Axt+1 x(x+1)

+C.

C.1 ln|2x—1‘+

[2D3-2] Tim nguyén ham 1 = [ (x~1)sin 2.xdx

1-2 2x+sin2
(1—2x)cos 2x+sin o

A.I=
2
& I:(I—Zx)c022x+sin2x+c.

B. jsin\/;dx=—cos x+C.

D. _[sin\/;dxz—'2\/;cos\/;+23in\/;+().
B. J.xe'xdx=[x—l]c’+C.
D. Ixeh"'dxz—(x—l}e”vLC.

3 (x+1

B, [=2% 11n|2x—1|—"(x ) sc.
3 +1

By ru +lln|2x—l|—~¥+€.
s +si

B.1:(2 2x)cos2x 81n2x+C

2
B 1=(2—2x)coz2x+sm 2x+C

[2D3-2] Biét [(x+3).e™dx= L g (2x+n)+C. Khi dé tong S =m’ +n* c6 gid tri bang

m

A. 10. B.5.

C. 65. D. 41.

[2D3-2] Cho ham s6 y= f(x) théa man f'(x)=(x+1)e" va If(x) dx=(ax+b)e' +c, voi

a, b, ¢ lacac hing s6. Khi d6
A. a+b=0. B. a+b=3.

C.a+b=2. D.a+b=1.

[2D3-2] Tim nguyén ham ctia haim s6 f (x)=xsinx.

A. —xcosx+sinx+C. B. xcosx+sinx+C.

C. —xcosx—sinx+C .D. xcosx—sinx+C.

[2D3-3] Biét F(x) 1a mdt nguyén ham cia cia ham s6 f(x)=sinx vi do thi ham s6

y=F(x) diquadiém M (0;1). Tinh F[g]

B. F(gj=_1

D. F[%le

. F[§]=o

[2D3-3] Hay xdc dinh ham s§ F (x)=ax’+bx’ +cx+1. Biét F(x) la mot nguyén ham caa

ham o y= f(x) thoaman f(1)=2, f(2)=3 va f(3)=4.

A. F(x):x"'+%x2+x+l.

C. F(x)=%x2+x+].
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D. F(x)=%x3+%x2+x+l.
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Céu 148.

Cau 149.

Cau 150.

Cau 151.

Cau 152.

Cau 153.

Cau 154.

Cau 155.

Cau 156.

[2D3-3] Biét ham s6 F (x)=ax’ +(a+b)x’ +(2a—b+c)x+1 la mot nguyén ham ctia ham s6
f(x)=3x"+6x+2. Téng a+b+c

A5, B. 4. ¢ 3. D2,

2D3-3] Gid str [e™ (24" +5x° —2x+4)dx=(ax’ +bx* +cx+d)e™ +C. Khi d6 a+b+c+d

bﬁng

A. 2. B. 3. C. 2. D. 5.

[2D3-3] (THPTQG-17) Cho F(x)=x’ 1a m{t nguyén ham cua ham s0 f (x).e**. Tim nguyén
ham cia ham sé f'(x)e™.

A. Jf'(x]ez'“dx =—x"+2x+C. B. jf’(x)ez"'dx =—x" +x4C.

C. [ f(x)e*dr=2x"-2x+C. D. [ f'(x)e*dr=-2x" +2x+C.

[2D3-3] Cho F(x)=(x—1)e"* la mot nguyén ham ctia ham sd f (x)e™*. Tim nguyén ham cua

ham sé f'(x)e™.

7 —
A. [ f/(x)e"dx=(x—-2)c" +C. B. [ f(x)e*dx == Tt +C.
C. [ f'(x)edr=(2-x)e +C. D. [ f'(x)e”dr=(4-2x)e"+C.
[2D3-3] Cho ham s6 f(x)="+sinx. Tim m dé nguyén ham F(x) cia f(x) thoa man
T
F(0)=0, F(#)=3.
A.m=2. B. m=3. C. m=4. D. m=1.
[2D3-3] Khi quan sit mot ddm vi khudn trong phong thi nghiém ngudi ta thiy tai ngay thir x
¢6 s6 lugng N (x) con. Biét raing N'(x)= 201: va ldc dau ddm vi khuan c6 30000 con. Hoi
X+
56 Iwgng vi khuan sau ding mot tuin gan véi sé nao sau day?
A. 36194 . B. 38417. C. 35194. D. 34194.

[2D3-3] Himso F(x)= ln(x+\}.1\:3 +a)+C (a>0) la nguyén ham cua ham s6 ndo sau?

A. ! ) B.;. C.Vx* +a. D. x++x* +a.

xX+a x+Vxi+a

[2D3-3] Cho ham s§ f (x)=(2x+1)"" . Tim tét ca cdc ham s6 F(x) thoa man F'(x)= f(x)

va F[—ljz 2018.
2

2' 1 20018
P =D o, B. F(x)=2017(2x+1)™° +2018.
A ( 4036
2 _+_1 2008
C %Qms. D. F(x)=4034(2x+1)"" +2018.

[2D3-3] Cho F(x) [a mdt nguyén ham cua f(x)= % .Biét F(-2)=3.Tinh F(2) két qua Ia
¥

A. 2In3-3. B. 2In3+3. L & D. 7.
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Cau 157. [2D3-3] thlng dinh nao sau day la dang?

A. Itan x.dx=—1n|cos.x|+C. B. J.cotx.dJC:—ln‘sin x|+C.

C.jsinf.dx=2cosf+c. D. jcosf.¢r=—2sinf+c.
2 2 2 2

Cau 158. [2D3-3] Mgt cong ty phai ginh chiu ng véi toc d6 D(t) d6 la mdi nim, véi

D' (t)=90(t+6)#*+12¢ trong d6 ¢ Ia thi gian (tinh theo ndm) ké tir khi cong ty bit dau vay

no. Sau 4 nam cong ty da phai chiu 1626000 d6 la tién n¢ nan. Tim ham s6 biéu dién toc do no

nin cua cong ty nay.

A. D(r)=304(’ +12:) +1610640. B. D(1)=30 (:2+12:)“+1595280.

2 3 2 2
C. D(#)=30/(£ +12¢) +C. D. D(r)=303/(r*+12t) +1610640.

Cau 159. [2D3-3] Choj\/ 2‘“\/ l:a[x+2)x/x+2+b(x+])x/x+l+C.Khi do
X+2+Nx+
A. _—2. B. 1. C. i. D.
3 3 3

Ciau 160. [2D3-3] Cho j(
X +1

EJ
)

thoa F(0)=6.Tinh F

R

3a+b bing:

W |t

[fox +1 +5) biét F(x) 1a mdt nguyén ham ciia ham sd f (x)

NES B 125, e, .12
16 16 16 16
Cau 161. [2D3-3] Cho F(x) la mdt nguyén ham cua ham s6 f(x)z%, F(0)=0. Tinh
X +2x—
F(-2)
A. 2In3. B. ln%. C.In2. D. —Eln3.
: %
Céau 162. [2D3-3] Tinh dx
J.\/x2+2—\/x2+l
DARNI: 2 o 2 Lpg a2 1y .o a2
A. F(x)=§(x +2)2+§(x +1)2+C. B. F(x)z;(x +2)? —g(x +1)2 +C.
1 21 2 2 2 :
(5 F(x)ZE(xz-i-Z)Z 3(x +1)2+C. D. F(x):j(x3+2)2——(x +1)2+C
Cau 163. [2D3-3] Nguyén ham ciia ham s6 f(x)= A0S 208 1a
S5sin3x—cos3x
A. —£x+iln‘55in3x—cos3x|+C B. —Ex—i]n|55in3x—c053x‘+6‘
26 78 26 78
C. Ex~1—ilr1|5$inBx—i::()s?vc\+C D. Ex—iln|5sinBJc—cos.%c\+C
2 78 26 78
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Céu 164. [2D3-3] Cho hamsd f(x)= 2”—1 +cos” x. Tim tit ca cdc gid tri cia m dé nguyén ham F(x)cua
T

£(x) thoa man F{O)=_I1 va F(—£]=—£.

2 4
Koee Ll B. m=-1. C. m=3+r. D. m=0.
12 2
~ A N ; - A 1-2sin” x
Cau 165. [2D3-3] Tim nguyén ham cia ham s0 f(x)=———.
Zsing[,r+£)
4
A. Jf(x)dx=1n|sinx+c05x|+C. B. J-f(x)dx= %ln|sinx+cosx|+c ;
3 Jf(x)dx=1n|l+si112x|+C. D. jf'(x)dx:%lnhﬂin Pxl+C.

Ciu 166. [2D3-3] Biét F(x) la mdt nguyén ham cua ham ) J(x)=tan’ x trén khoang [0;£] va

F(£]=1.Tmh F[—Ej.

4 4

A.F[_zjzz_l. B.F[_z]i_l_ c.y[i}_l_ D.F[_szH.
4 4 4 2 4 4 2

Cau 167. [2D3-3] Biét F (x) 1a mot nguyén ham ctia ham s6 f(x)=cotx va F(%) =1. Tinh F[%)

R F[£J=l+ln£. B.F(Ejzl—lnz. C.F[Ejzl—lnﬁ. D. F[£]=1+ln2.
6 2 6 6 6

2
5 l—tan x
Cau 168. [2D3-3] Tim nguyén ham cua ham s6 filx) =
I+tanx
A.Jf(x)dx=%(1—tanx)2+c. B.Jf(x)dxz—x+C.
€. Jf(x)dlen‘sinx+cosx‘+€. D. jf(x)dx:1n|sin x—cosx|+C.

Cau 169. [2D3-3] Cho ham s6 f(x)=(2x-3)e*. Néu F(x)=(mx+n)e* (mneR) 12 mot nguyén
ham cua f (x) thi hiéu m—n bing
A. 7. B. 3. C. 1. D. 6.

Cau 170. [2D3-3] Cho F (x) =_% I mét nguyén ham cia ham sb 20
X

%
6 f'(x)Inx.

. Tim nguyén ham cua ham

Inx 1 Inx 1
A. )Inxdx=——+—+C. B. )Inxdx=—--—+C.
Jf x¥  5x° Jj 5%
, Inx 1 Inx 1
C. [ f(x)mn wlx ="+ +C. D. [ f’(x)inxdx=- S +3a+C.
Cau 171. [2D3-3] Biét je-"cosxdx=e-‘(Acosx+Bsinx)+C (A, B, C 1a hang s6, C bit ky ). Tong
A+ B bing
A. 1. B. 1. »if D. 2.
Céu 172. [2D3-3] Cho F(x) la mdt nguyén ham cia ham sb f(x)—lj_miéb’ théa man F[2)=0.
Ccos X

Tinh F(0).
A. F(0)=—4+6In2. B. F(0)=—4-6In2. C. F(0)=4-6In2. D. F(0)=4+6In2.
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Cau 173. [2D3-3] Gia st ham s6 f(x)=(ax’+bx+c)e™ Ta mdt nguyén ham cia ham sb

g(x)=x(1=x)e™. Tinh S =a+2b+2015c,
A. S =2015. B. § =2018. C. § =-2017. D. § =2017.

Chu 174. [2D3-3] Biét F (x)=(ax’+bx+c)e’ amdt nguyén ham cia himsd f(x)=x"e". Tih a.b vac.

A=l =2, c=2. B.a=2,b=1,c=-2.
C.a=-2,b=2, c=1. D. a=1, b==2, ¢=2,
Cau 175. [2D3-3] Téc d phat trién cia sé luong vi khuan trong hd boi duge md hinh boi ham sé
B (1) :%,r >0, trong &6 B(t) 1a s6 lwong vi khudn trén mdi ml nudc tai ngay thir 7.
+ U, o1

S6 lugng vi khuan ban dau 1a 500 con trén mot ml nuée. Biét rang mirc @6 an toan cho ngudi
s dung ho boi la s6 vi khuan phai dwdi 3000 con trén mo1 ml nude. Hoi vao ngay thir bao
nhiéu thi nudc trong hd khong con an toan nira?

A.9 B. 10. C.11. D. 12.
2
Cau 176. [2D3-4] Gia st modt nguyén ham cia ham s6 f(x)= N =+ 1 - ¢6 dang
Vi-x \/;(H\/;)
3 B s
AVl-x" + . Hay tinh A+ B.
1+x

A. A+B=-2, B. A+B:§. C. A+B=2. D. A+B:—%.

Cau 177. [21)3»4](:1101:]&&, J :j&dx.{)é‘[ T =4J —21 . Tim biéu thicc cia T':
sin x+Cos X $in X +COS X
A. x—=3In|sinx+cosx|+C. B. x+3In|sinx+cosx|+C .
C. 3x—Infsinx+cos x|+ C. D. 2x—In|sinx+cosx|+C .

BANG DAP AN TRAC NGHIEM

1 2 | 3|45 [6 7|89 |10]11]12 |13 (14|15 |16 |17 18 | 19 | 20
BI|A  DIBIA|D|IAJDWYA €C|C€E|D | A B|lA DICID|EC]A
21 | 22 |23 124125 |26 |27 |28 )29 30|31 |32 )33 34|35/36 |37 |3383/3 |4
D|B B |B|ALBIRNANSE | D A|A|A A D|D | E|A|E€E | E | D
41 | 42 | 43 | 44 |45 (46 | 47 | 48 |49 |50 | 51 | 52 |53 |54 [ 55|56 |57 58|59 60
D|IB|C|]C|B|A|A|D|B A|JA|D/AJA|J]C|C|C|B|D]|C
61 | 62 | 63 | 64 | 65 | 66 | 67 | 68 | 69 | 70 | 71 | 72 |73 |74 |75 |76 |77 |78 | 79 | 80
C|C|A|A|A|A|A|J|A|B | B|B|C|C|C|C|A|D|D|B|C
81 | 82 | 83 | 84 |85 | 8 | 87 | 88 | 8 | 90 | 91 |92 |93 |94 | 95|96 |97 | 98 | 99 | 100
D|C D|ID|B|A|C|B|A|B|D|D|B|C|B|D|B|A|B]|A
101 | 102 | 103 | 104 (105 [ 106 (107 {108 | 109 | 110 | 111 | 112 | 113 | 114 | 115|116 |117 | 118 | 119 | 120
B lelDlAIA|JCJTA]B | C|lECE]IA D DB |C|C€|D|B|C
121 | 122 | 123 | 124 | 125 | 126 | 127 | 128 | 129 | 130 | 131 | 132 | 133 | 134 | 135 | 136 | 137 | 138 | 139 | 140
A|B|B|D|D|C|C|B|A|A|D|A|C|A|B|B|A|C|D|C
141 | 142 | 143 [ 144 | 145 | 146 | 147 | 148 | 149 | 150 | 151 | 152 | 153 | 154 | 155 | 156 | 157 | 158 | 159 | 160
B|D € |lA|lAA]|CG|A|B B|lE(B |  D|lA|A | B[A|A|EI]A
161 | 162 | 163 [ 164 | 165 | 166 | 167 | 168 | 169 | 170 | 171 | 172 | 173 | 174 | 175|176 | 177 | 178 | 179 | 180

A|lC|A|B|A  B|B|C|A|C|A| A | B |D|B|D]|A
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Van dé 2. TiCH PHAN

1. Dinh nghia:

(Cong thiee Niuton-Laipnit)
Tén goi: Jj x)dx doc la: “Tich phan tir @ dén b cta f(x)dx

¢ a va b goilahai can tich phén, trong d6 a la can dudi, b la cén trén.
2. Tinh chat:

(1) jf ) T.f(x)dx=-ff‘(x)dx

(3) jkj x)dx = kjf dx (ke R)

b

(4) ff‘(x)dx=jf(x)dx+]f(x)dx

o

() [[f(x)2g(x)]ar= If dx+jg
6) f(x)=0 tén [a; b]:jf(x)dxzo
() f(x)=g(x) wen [a: b]:]f jg(x)d.‘x

(8) m< f(x)<M wén [a; b]= m(b-a) Sj.f dx<M (b—a)
b

t
(9) 1 bién thién trén [a; b]= G(r)= j-f (x)dx 12 mot nguyén hamcua f(r) va G(a)=0.

a

Dang 1: Tinh tich phan bang dinh nghia
A. PHUONG PHAP GIAI

e Dung bing nguyén ham vi 4p dung dinh nghia: jf x)dx=F(x)

b= F(b)~F(a)

trong d6 F (x) la mdt nguyén ham cia f(x).

e Cich phan tich: Dung bién d6i dai sé nhu lity thira, cdc hang déng thitc, cic cong thirc
lwvong giac...

B. TOAN MAU

Vidy 1. Tinh tich phin /= [(x-1)"dx.
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to1

Vidy2. Tinh tichphan 7 =[——dr.
2 (1-1)
P2
Vidu 3. Tinh tich phan I =j du .
7 " _l
¢ 4
Vidy4. Tinhtich phan /= | —dr.
5 (21+1)

3
Vidy5. Tinh tich phan / = | isdx.
x—.
1

T

:
Vidu 6. Tinh tich phan I = j 4cos2edt .
1]

5
Vidu 7. Tinhtich phin I = v'lsin 3udu .
0

i

4
Vidu8. Tinh tich phan jtan xdx .
0

Vidy 9. Tinh tich phan I = [ cot xd.

1
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T

8_
Vi dy 10. Tinh tich phan 7 = [2(1+tan’ 2x) dx.
0

4
Vi dy 11. Tinh tich phin / = | ",
u COS 1

Vi dy 12. Tinh tich phan 7 = [ 3(1+cot” u)du.

o | B C—ra |

Vi du 13. Tinh tich phén [ =

sin” 2x

00 | 3 Loy i | 3
N
&

1
Vi dy 14. Tinh tich phan 1 = [2.3* dx.
0

In3

Vi dy 15. Tinh tich phan / = [ e*'dx.

<

Vi dy 17. Tinh tich phan 1 = |

2
0 X

3 _dx.
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C. BAI TAP TU LUYEN

Bai 1.  Tinh cdc tich phan sau:

i ] I

5 7 ¢ 4
a) I=|(x+2) dx b) I = dr c) = du
J;( ) !(2—:)6 J{: 14 3u
s = 0 1<fons
d)I= —dt e) [=|— [ = | cos3udt
2 (3—1)° ) !
s g 3
@) I = 2sin4xdx h) 1= [ tan 3xdx i) 1 = [cot2xdx
0 0 :
]
i) I=T3(1+tan2 2x)dx k) 1=T | 1) 1= [(1+cot*3x)dx
5 [ cos” 2t 2
12
g 2 1 |
m) izj = du n) 1=j23-"dx 0) I = [3.e'dx
NSli'l'.’.»a! T
4

Dang 2: Tinh tich phan bang cach sir dung
tinh chat cua tich phan

A. PHUONG PHAP GIAI

Giasttham f, g liéntuctrén K: a, b, ¢ 1a basé bat kithude K; m,ne R thi

jf(x)dx=ff(x)ax+jf(x)dx

j[mf n.g(x)]de= mj'f dx+njg

B. TOAN MAU

Vi dy 18. Chobnetj‘f x)dx =4, J‘f x)dx=6, J‘g x)dx=8. Tinh:

5 2 12} 5

a) J:f(x)dx b [3f(x)dx o [[f(x)-g(x)]dr & [[4F(x)-g(x)]dx
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Vi duy 19. Cho jf (x)dx=-2 va_[g )dx=3. Tmhj 3f(x)—g(x)]dx va j[5—4f(x)]dx

C. BAI TAP TU LUYEN

Bai 2.

Choblet_[f )dz=3, jf )dx=17. Tmhjj

dién tich hinh phang

Dang 3: Tinh tich phan thong qua tinh

A. PHUONG PHAP GIAI

Cho f(x) lién tuc va khong am trén [a;b], khi d6

j f(x)dx 1a dién tich hinh phang gi6i han boi @6 thi ham

i

s0 y= f(x), truc hoanh va hai duong thing x=a, x=b.

b

jf(x}dr= S

a

Cho f(x) lién tyc va cd dau thay déi trén [a;b], khi d6
J f(x)dx Ia tong di¢n tich cdc phan phfa trén tryc hoanh

trir di tong dién tich cdc phan niam phia dudi truc hoanh cua
hinh phang giéi han boi d6 thi ham s6 y= f(x), truc
hoanh va hai dudng thang x=a, x=b.

jf )dx=S§,-S,

/\f

B. TOAN MAU

Vi dy 20.

DO thi cua f dwoc bicu dién nhu hinh bén. 71

Tinh méi tich phan sau bang céch dién giai
dudi dang dién tich.

5

a) ff(x)dx b) [ £ (x)dx 0

0

A~ O

c) j[f(x)dx d) If(x)dx

0
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X

Vidu21. Cho g(x)=[f(¢)dt, trong d6 f 1a ham s6 md dd thi ciia n6 dugc biéu dién nhu hinh bén.

0

Tinh g(0). g(1), g(3), g(7).

}!

C. BAI TAP TU LUYEN

Bai3. Ddthicua f bao gém hai dudng thang va nira dwdng tron
nhu hinh bén. Sit dung né dé tinh mdi tich phan sau:

a) J%f(x]dx

Baid.  Cho g(x)=[f(t)dr, rongd6 f T hamsb

0
A . . A VR
ma do6 thi cua né duge biéu dieén nhu hinh bén.

Tinh g(0), g(1). £(2). g(3) va g(6).

yJ
4
_.Q.A\—y:f(x)
\ !
0 \ 4 ) 7 *
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Dang 4: Tinh tich phan ham da thic
bang phudng phap phén tich

A. PHUONG PHAP GIAI

cong thirc nguyén ham dé tinh.
e Mt s6 hing ding thirc ding nhé:
1) (a+b)’ =a* +2ab+b* 2) (a=b) =a’=2ab+b’

3) a*—b'=(a-b)(a+b) 4) (a+b) =d’ +3a’b+3ab’ +b’
5) (a=b) =d*=3a’h+3ab* b’ 6) a'-b'=(a-b)(a’+ab+b’)

o Mt sé cong thirc nguyén ham thuong diung:

n+l

X

1) Ikdx=kr+C 2) Jx"d.r= +C (n#-1)
n+1
—n+l

3) jidxx Y iC@mE) 4) J\/;dngx x+C

x" —n+1 3

1 1 |
5) [—=dx=2Jx+C 6). [=dx=-=4¢
) I& Vx ) jxg ;

I
e DPé tinh f (x)dx, ta phin tich f(x) thanh tong, hiéu cdc ham 6 c6 trong bang nguyén
p g £ bang nguy

b b b
ham, rdi dua vao tinh chét J.[m.h(x}in.g (x)]dx:m._[h(x)d.xin.jg(x)d.x va bang

7) @’ +b’ =(a+b)(a’ —ab+b’) 8) (a+b+c) =a*+b*+c* +2ab+2bc+2ca

B. TOAN MAU

1
Vi dy 22. Tinh tich phn / = [(x—2)(x~1)" dx.

0

1
Vi dy 23. Tinh tich phan 7 = [ x(x+1)"dx.

0

Vi du 24. Tinh tich phin

ixt+8x2-2

Vi du 25. Tinh tich phin

4
_ 2x\/x —3x
I —_I[fdx.
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Vi du 26. Tinh tich phéan I = j. +8
i+ 2

4
Vi dy 27. Tinh tich phan I = | %dx.
+

Bai 5.

Tinh cdc tich phén sau:

| 1 2

a) [=[(x+1)"(x=1)"dx  b) [(x*~1)dx o) [x(x-1)"dx
0 =1 1
P2 =3x+2 Px—x re”
d)I“Ide e)I-E[ x—ldx ﬂ}[ e’

<X +5-7x ; 1Y 2 4x0 =354 1
g) !—x dx h) J]‘(\/Eﬂ—\/;) dx i) Jif

dx

Dang 5: Tinh tich phan ham lugng giac
bang phuong phap phan tich

A. PHUONG PHAP GIAI

b
Pé tinh jf (x)dx, taphantich f (x) thanh tong, hiéu cdc ham s6 c6 trong bang nguyén

il
ham, r6i dua vao tinh chat I[m.h (x)xn ]dx m. _[h dx+n. I g(x)dx va bang
cong thirc nguyén ham @ tinh.
Mot so cong thirc lugng gidc thudng ding:

1) tan® x= ~1

——1 2) cot’ x=—
cos” x sin” x

3) sinzx:%(l—cost) 4) coszx=%(l+cos2x)

5) cos2x=cos’ x—sin’ x=2cos’ x—1=1-2sin’* x=cos* x—sin* x
6) sin2x=2sin x.cos x 7) sin3x=3sinx—4sinx  8) cos3x=4cos’ x—3cosx

9) sin a.cosb=%[sin(a+b) +sin(a-b)| 10)cosa.sinb :%[sin (a+b)-sin(a-b)]

11)cosa.cosh = Ig[cos(aﬁ-b)-l-cos(a—b)] 12)sina.sinb =~%[cos(a+b)—~cos(a ~b)]

Mt s6 cong thirc nguyén ham thwong dung:

1) Jsinxdx=—cosx+C 2) jcosxdxzsinx-l—C

3) Jtanxdx:—ln‘costC 4) jcotxdx=1n|sinx|+C

5) j(l+tan2x)d.x=tanx+c 0) j(1+cot2x)d.r=-cotx+C
1 4

7) Jcoszxdx_mnerC 8) jsinzxdx__COtx+C
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B. TOAN MAU

)

2
Vi du 28, Tinh tich phédn [ = j sin” xdx .
0

v

Vi du 29. Tinh tich phan / =jcos“ xdx .
0

Vi du 30. Tinh tich phin / = | cos 4xcos 2xdx.

S e | 3

g

Vi du 31. Tinh tich phan / =jsin 3xcos xdx .
0

il
2

Vi du 32. Tinh tich phan / = Isin 4xsin2xdx.

0

cos2x

Vi du 33. Tinh tich phan 7 = dr.

f) S— W

Sin x +cos x

I

4
Vi du 34. Tinh tich phan I =jtan2 xdx .
[\

o
=

Vi du 35. Tinh tich phan I = jcoﬁ xdx .
4
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C. BAI TAP TU LUYEN

Bai 6.  Tinh céc tich phan sau:
T

2
(coszx—sinzx)dr c) !=Isin4 xdx
0

z
a) I=Icoszxdx b) I=
0

T
a4

%
(sin x+cos _r)' dx f)y I ::jsin2 xcos” xdx
(i

T

d) I :j(sin4 x—cos’ x)dr e)l=

0

Sl [ S —s [y

T

3

Il
ey | 3

T
3

g I= Isin xcosxcos2xdx h) [ cos Sxcos3xdx i) I = j (3 +tan’ x) dx
() [ 1
i ) 2

k) I=Isin 6xsin 2xdx 1) I=Jsin5xcosxdx m) [/ =J.(2—{:c:t3 x)dx
0 0

Dang 6: Tinh tich phan ham hiru ti
A. PHUONG PHAP GIAI

b
P
> Tinh tich phan / = [ (x)

2 Q(x)

dx voi P(x) va Q(x) la cdc da thire khong can.
» Phwong phap giii:
 Néu bdc cia tir s P(x)> bac cia mau sé Q(x) —=— Chia da thirc.
e Néubic ctia tir s P(x)< béc cia miu sé6 Q(x) —=— Xem xét miu s6 va khi do:

e Néu mau sd phén tich dwgc thanh tich $0, ta sé sir dung déng nhéat thirc dé dua vé
dang tong ctia cdc phan s6. Mot s6 trorong hop df“mg nhét thirc thwong gap:

v ] A NN, a b
(ax+m)(bx+n) an—bm \ax+m bx+n

mx s, WA B _(A+B).r—(Ab+Ba) A+B=m
(x“a)(x-b)_x—a x—b (x-a)(x-b) Ab+ Ba=—n
v ', T P . LN )
(x—m)(ax“+bx+r:') x—m ax +bx+c
v 3 = A 4 B & C
(x=a) (x—b) (x-a) a-a x—b
v 1 _ A + B 4 G N D

(x=a)’ (x=b)" *-a (x-a) ¥=b (x-b)
e Néu miu s khong phan tich dugc thanh tich sb (bién déi va dua vé dang lrgng gidc).

» Mot sb cong thirc nguyén ham thwong dung:

1) J%dx:—;ﬂi 2) _lédx:ln\x\JrC 3) I%dlenlu‘JrC

: dx=l-|n\ax+b\+c
ax+b a

4) J%dx=#l- lb+c 5) |
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n

> Vai vi du cu thé vé tich phan hiru ti:
Lax+b

a) Dang 1: I =ch+d

dx

Phwong phap: Chia tir cho miu, phén tich thanh tdng.
2x— 3

Vidu: Tinh [ = J dx
1

Giii: Ta c6 1 =J[2—il]dx =(2x—Sk|x+1))|} =2 +Sln%
1

P

g
b) Dang2: I =Iw
. ax+b
Phwong phéap: Chia tir cho méiu, phén tich thanh tong.
—x* +x

x+1

|
Vidu: Tinh I = j

0

dx

1 2
Gidi: Ta c¢é I=J(—x+2—i}ix = —x—+2x—2]n|x+1|
S x+1 2

=}—=2ln2|.

0
y;
b
¢) Dang3: 1=I%
cax +bx+c
Trudng hop 1: a’x* +b'x +¢” (a’ £0) c6 2 nghi¢m phan biét x,, x,
Sx=1
X' —3x+2
Giti: Tacs 2! = 2277 _ A . B ysix=2.
¥ =3x+2  (x=1)(x-2) x-1 x-2
=5x-7=(A+B)x-2A-B
A+B=5 A=2
=
-2A- =7 B=43

Vidu: Tinh I = J

Déng nhat hé s6 , ta duoc {

0
Do dé: A=j[i1+ 32]d.x =(2In|x—1+3In|x-2])|*, =[n2-3m3].
S\X—

x—
Truwong hop 2: a’x*>+b'x+c¢” (a’ #0) c6 nghiém kép
3x+5

Vidu: Tinh I = J‘ﬁ
x —4dx+

Giai: (nhap: (xg —4x +4) =2x-4)

0 2x— 'ﬁf--’r"-l»"r'm
Taco T== [—; 3
2° x —4x+4
0 0
=% jf"—"‘ldﬁg d - _37 411,
I —dx+d 3 (x-2) | 2
0 = 4x+4
* 11=J. 221 £ —J =1n|,\:3—4g4:+4H0 =2]ng
X —~ditd —4x+4 -1 5

-1

Cha ¥: ta c6 thé d6i bién bing cich dit 1 =" —4x+4 = dr = (2x-4)=
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12

de ¢ 22 1 111
- fgzjl 3 j(x 2) dx ( ) ‘—I: |?I=_-—_=_'
_[(x_“Z) -1 _2+l )._‘2 2 3 6
Vay =21 +111, =3 2+ 1.
2 3 6
Trudmng hop 3: a’x* +b'x+¢” (a’ #0) vo nghiém
Vidy: Tinh I = [2’(—’3
X +2x+4
Giai: (nhap: (x +2t+4) =2x+2)
[1]
Taos: = [22122 4 j BE gy stﬂ,—sL.
1;{ +2x+4 X +2x+4 x+l) 43 2

—-ln‘x2+2x+4‘|i =ln§

0
dx
£ I =|—
) J;(x+1)'+3

Pit x+1=~/3tant :dx=\/§(l+tan1r)dr

Dmcan khi x==-1=¢=0,khi x=0=t=

c\la

h 3(1 *t)d .
Suy ra fgzj\{_( an r) rzﬁjdrzﬁ.
0

3tan’ t +3 3

Vay I=1, -5, =2 _5. T3 _| 4 5m3|
18 318

a’x+bx+c
Jax +bx+c
Phuong phap. Chia tir cho méu ta duoc dang 3.

d) Dang4: [ = I

Chii ¥: ta ¢6 thé d6i bién bang cdch dit 1 =x" +2x+4=dr =(2x+2) =

B. TOAN MAU

| 2
Vi du 36. Tinh tich phan dex
SN
, o, ¢ x—4
Vi du 37. Tinh tich phan j )
+
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Vi du 38. Tinh tich phéin j 1)
x +

Vidu 39. Tinh tich phén [ = j%
x+ X+
0 2
Vi dy 40. Tinh tich phan / = [ 2523
Skt =382
0
Vi dy 41. Tinh tich phan = | 4x—+42dx.
. (:4:2 —4x +3)

2
Vi dy 42. Tinh tich phan [ = j+dx.
,x(x‘+1)
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C. BAI TAP TU LUYEN

Bai 7.

Tinh céc tich phan sau:

o
2) [:Ix 4x+}d¥
A x=2

|
d) I= Iﬂdx
5 x+1
o e N
o '!3”23
1
K 1= L 5
> & +2x+1
3
2x
n I=
Yemreen
2.9
x —x+1
)y [ = dx
: 'I[Jc““-l-x2

: x+’i
By &= I x+1
0
t 2x—4
e) [ =
) -l[x(ZAH
h)[—j x’+l ar
t 2% +%
1)!=i 255
0.‘r’—6x+9
|
5
) I =
'(|:(x+2)(,\—3)

1
) = dx
;!. 3—x
© ox+1
I'= - dx
) !2x“+x
|
1)f=J )H-l3
[;(x+2)
4x-5
m”zj(zm)-‘
0 o
|
I =
P) -_[xj—?)x+2
)I_j-x +4x-2
' —2x" +x

Dang 7: Tinh tich phan ham chira dau tri tuyét doi
Tich phdn min, max

A. PHUONG PHAP GIAI

b
> Tich phan ham chira diu gia tri tuyét dbi = Hf (x)‘ dx

Phuong phdp: * Xét ddu f(x) trén doan [a:b]

 Dung tinh chat _Tf( j f

» Tich phan min/max I =jmin{f(.r),g(x]}d.x hoiic 1 =jmax{f(x),g(x)}dx

ch voi ce[a b].

Phuong phap: * Xét ddu f (x)—g(x) tén doan [a;b], suy ra min/max.

* Diing tinh chit _Tf( j Filx

x)dx, véi ce [a b].

B. TOAN MAU

Vi du 43. Tinh tich phan I = i\f —4x+ 3\dx
0
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Vi du 44. Tinh tich phan [ = j(\ﬁz\—\x—zndx.

-2

2
Vi dy 45. Tinh tich phn 1 = [ [sin x|dx.

2

Vi dy 46. Tinh tich phan 7 = [Vi+cos2x dx.
0

2
Vi dy 47. Tinh tich phan 7 = [min {1, } dx.
i}

2
Vi du 48. Tinh tich phan / = j max {x?, x}dx.
1]
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C. BAI TAP TU LUYEN

Bai8. Tinh cdc tich phan sau:

a) Izjl‘xz—IIdx b) I=i|x2—.x‘dx ¢) 1=j|x3_3x+2|d,\
1] -1

d) I= J',Ix +——2dx i S f) 1=jx\x—m\dx
0 1]

E
%

) r—j\smzx\dx h) 1=T\f1+cosxdx i)]:_T\/I—sinxdx
0 =K

4
5

i I=ﬂx2+2x—3|dx k) Izj\/x2—8x+]6dx D [ (|x+2/—[x—2[)dx
1] 1

-3

Bai9.  Tinh céc tich phan sau:

T

a) [ = _[mm X, X —3}dx b) szmin{sinx,cosx}dx ¢) I = ilnax{x2,4x—3}dx

-2 )] -2

d) ,r:fmax{xi,x}dx e) !=‘Tmax{x2+l,4x—2}dx f) I =Inﬂn{3"',4—x}dx
0 1] 0

Dang 8: Tinh tich phan bang phudng phap doi bién

I. Dinh bz Néu u(x) c6 dao ham lién tuc trén [a;b] va F(x) 1a mdt nguyén ham cia
f(x) trén [a;b] thi

b u(p
Jf[u(x x)dx = J-}f du

ula)

2. Phuvng phdp gidi:
b
< Phuong phép déi bién dang 1: Tinh I = j g(x)dx

Budc I: # Phantich g (x)dx= f[u(x)]a’(x)dv=f[u(x)]d[u(x)]
* Dt r=u(x)
Bude 2: Dbican ¢ Véi x=a thi r=u(a)

* V6i x=b thi r=u(b)
u(b)
Budc 3: Khid6 I = jg Jax= [ f(r)dr=F (o)) = Fu(b)]- F[u(a)].
)

b
< Phuong phap ddi bién dang 2: I = J‘ f(x)dx (v6i f(x) lién tuc trén [a;b])

Buéc 1: Chon x=¢(t), trong d6 ¢(1) 1a ham s6 dugc lya chon mdt cach thich hop.
Budc 2: LAy vi phan dx=¢'(r)dr, gia stt ¢'(r) lién tuc.
Budc 3: Ta chon mét trong hai hudng:

Hwéng 1: Néu tinh dugc cdc cin o va [ tuong ung theo a va b
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(a=¢@(a) va b=g@(f)) thita dugc

V]
1={flo(t)]¢(r)d

Huéng 2: Néu khong tinh dwge dé dang cdc cin tuong (mg theo a va b
thi ta lya chon vi¢c xdc dinh nguyén ham, tir d6 suy ra gid tri cua
tich phén xac dinh.

b b ../
Dang 8.1: Tich phan I, = [u'(x).u" (x)dx hodc I, = _[:"(();)) dx

A. PHUONG PHAP GIAI

e Datt=u(x),suyradr=u’(x)dx.
e  Ddican: khi x=a=>t=@(a), x=b=1=0(b).

(b) o) 1
o Khido /= [ rdr, I,= [ —-dt.
2% ] 5
la) pla)

B. TOAN MAU

Vi du 49. Tinh cdc tich phan sau:
0

1 1

a) !=Ix5(x3+])4dx b) 1:J(I+3x).(1+2Jt*+3x2)fde c) }zj 3J6+13
% 0 Y (3_:()
i 1 3 : 3

d I=[——dx e) I=[—"—dx Bir= o s
'u[(.’c%-l)3 ':[(x2+2)3 'r[x4+2x2+1
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C. BAI TAP TU LUYEN

Bai 10. Tinh céc tich phan sau:

1 I
a) 1=[x(x*+1) dv b) 1= [x(x+1) dr ¢) I=[(x+1)(x* +22) dx
0 0 0
f 4x+2 ¢ x+3 h 4
d) [ = dx e) = I1=[(x=2)(x+1)"dx
) £12+.x:+1 ) 'lx2+6x+1 D J‘I(x el
¢ dx+1 ¢ x+l 2\ 5
9 I=] dx by 1= _dx i) 1= dx
2 (2-x) o (x+3) o X' —4x+4
) % otad ] X : x
) I= dx k) I = ) I= .
'[[(x"’+3x)3 '{[(4—x2]2 'l[x6+3x' +2
b
Dang 8.2: Tich phan I= _[ u’(x).e"“dx
a
A. PHUONG PHAP GIAI
e Diatr=u(x),suyra dt=u"(x)dx.
¢ Doicin: khi x=a=t=¢(a), x=b=>t=p(b).
olb)
« Khids /= [ edr.
9la)
B. TOAN MAU
Vi du 50. Tinh cdc tich phan sau
%elcut.r—l % ) g
a) I=J. ——dx b) I=Ie”“"'cosxdx c) I=Ieg°°‘“*'sinxdx
P 111 - i p
oy 3 3
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C. BAI TAP TU LUYEN

Bai 11.  Tinh cac tich phan sau:

4 Sx e 2lnx+l 1
c € X242
a) [ =|—dx by I = dx c) I=|xe' "dx
e I= J
4 tanx 2 < 2 )
d) 1 =j = —dx e) / =Ie“°3” sin 2.xdx f) je“”" cos xdx
COS” X . 2

0

b
Dang 8.3: Tich phan I= IL(I::—x)dx

A. PHUONG PHAP GIAI

¢ DPitr=Inx,suyra dt:ﬁ.
X

e Doican:khi x=a=rt=Ina, x=b=1t=Inb.
Ink

« Khids 7= [ f(t)dr.

Ina

B. TOAN MAU

Vi du 51. Tinh céc tich phan sau:

aj f= J-ln x— 1nx+3 B Fe j-1+]n xdx ol T 1+lr1 xcbc
lnx+1 xlnx

| e

C. BAI TAP TU LUYEN
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Bai 12. Tinh céc tich phan sau:

4

& = j 2+cos(lnx)dx
1

X

Sinx—-2 0 1

e Iz'[x(lnzx-i-?’lnx)dx = ' x(In” x+2In x+1)

e

b
Dang 8.4: Tich phan |= If(e" )dx

A. PHUONG PHAP GIAI

e Diatr=e',suyradr=e'dx.

e Poéicin:khi x=a=>r=¢e", x=b>t=¢’.

© Khido = f(c)dr.

B. TOAN MAU

Vi du 52. Tinh céc tich phan sau:

In2

a) I=I

0

et +1

In2 _=x I In2 2x x

[+
b) I =
) J-e"'+l 2+e*

0 0

C. BAI TAP TU LUYEN

Bai 13. Tinh cdc tich phén sau:

In2 X In2 Ix n2 2x x
e e e —e

al=| ——— b) I = dx c) = _ dx

!ez"+4e*+4 ) ;[e"+1 ) -! e +4

In2 _x In2

T+ 1

d);:jelzdr e)1=f - f

. +1 0f.a'+]
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Dang 8.5: Tich phan chira can

A. PHUONG PHAP GIAI

e DPitr= “can”.

e  DPoican.

v P dF{a) =" = ) o lidi=F(x)de

vVot=2f(x)=>1"=f(x)=>n"dt= f'(x)dx

B. TOAN MAU

Vi du 53. Tinh cdc tich phan sau:

4
dx
) I= 3
) ’[J}(H\/})
_f 3-2Inx
P f_'][x~J1+3lnxdx

;
3 42 x4+l

b) J={—2—dx o) I=[-21 dx
?[\/x'”rl l\/-‘ 3x+1
: Ing

e) I -——j\f1+3sinx.cosxdx 1) J j\fe"'+1f:2"'dx
1] In3
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C. BAI TAP TY LUYEN

Bai 14. Tinh cdc tich phan sau:
b) I = j dx

_LiL _fWxms) :4 d.x
L = ) - ]
d) I=‘l[x 1—x"dx e) I=jx3\}x2+1d.x 1) Izjlx"v'l—xzdx

2 4 ~ 3
X X X
) [=|—F—dx h) I= dx 1) 1= dx
& !1+ x—1 l 2x+1 ;[31+x3
i d cos.l‘r dr K [:J-\!1+3lnxlnxdx h 1:_[ In x dx
|x}1+351nx 1 X | xv/1+8In x

In8 In5 821 Int
) I= d.x n) [ = dx o) I=|e'Ve +3dx
J- Ir.!; ve' -1 E[

Dang 8.6: Tich phan ham Ié d6i véi sinx (hodc cosx)
A. PHUONG PHAP GIAI

e Biéu thirc dudi dau tich phan 1a ham 1é d6i v6i sin x : Dat 7= cos x.
e Biéu thirc dudi ddu tich phan Ia ham 1é dbi voi cosx: Pt r=sin x.
= Ch §:

v' t =cosx =>—dt =sin xdx

v’ t=sinx = df =cos xdx
e  Doican.

B. TOAN MAU

Vi du 54. Tinh céc tich phan sau:

T F 4
2 2 0
a) I=Isin3’ xdx b)Y li= J-sm xcos” xdx _[ b
Y ¥ 3+s1nx
6 3 3
2 i
6 z s
d) I:jcoss e ] [=.[ COoS X _dx f) Izjsmz,rcosxdx
5 o (2+sinx) o 1+cosx
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C. BAITAP TU LUYEN
Bai 15. Tinh cac tich phén sau:
2 3 ;
a) [ = J-co'; xdx b) !=Jsin5 xdx c) I=Jsin xcos xdx
T): i %
; :
d) I=_[sinxcossxdx qu xcos® xdx ) !=J&dx
A 5 d—2sinx
?
; : S i
2) !‘j sin x h)Izj 2(:05x i)f=j 3sinx 2
0I+2co<;x 0l+smx ((l+cow)
X b g
t sin3x ¢ cos2x T sin2x
D I= J’ k)]:J |)1_j—dx
u2008%,1+l Ul+2sm2x f(3+5mx)
2
m) [ = Ism 2xcos’ xdx n) / :jsin2xsin5 xdx o) I =I51n 2xcos xdx
0 0 0
Dang 8.7: Tich phan ham chan ddi v&i sinx (hodc cosx)
A. PHUONG PHAP GIAI
¢ Dat r=tanx hodc t =cot x.
= Cha y:
v t=tanx:>dt=(l+tan2x]dx= ]., dx
cos” x
v t=<:(:utx:>dt=—(l+<:0t2 x)clxz— _]a dx
sin” x
e Paican.
B. TOAN MAU
Vi du 55. Tinh céc tich phin sau:
T z i "
4 2 4 : 2 2
2) I:J ]_4 i b) I = J 16 dr o) ’,:J2511‘1):4;1::05)((1-Jr d) I=j-cot. ;r-!—de
5 COS™ X _sm X o cos X x sinx
4 4
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C. BAI TAP TY LUYEN

Bai 16. Tinh céc tich phéan sau:
i B
) 1= J2tanx tanx-i-de b)!=J 1 3 C)I=j-‘14 A
cos” x = €os” x+28in xcos x x SIn” X
N
3 f :
d) I= J-Ssmx SCosxdx e)!=J.,_, 5‘ dx ﬂ‘(:_[ l(, e
. sin’ x E311'1',*rc+31~;1n XCOS X ( COS" X
4 4
Dang 8.8: Tich phan chira sin2xdx (hoac sinxcosxdx)
- A \ - - i~ Y =
va phan con lai sinx, cosx mang liy thira chan
A. PHUONG PHAP GIAI
® Pat t=sin’ x hodc t=cos’ x.
= Chu ¥:
v t=sin’ x = df = 2sin x cos xdx = sin 2xdx
v’ t=cos’ x=> dr = —2sin xcos xdx = —sin 2xdx
e Dbi cén.
B. TOAN MAU
Vi du 56. Tinh cac tich phan sau:
: i 2 sin xcos’ X i
a) I=Ism2xsm xdx b) I = I
0 % 1+cos® x
C. BAI TAP TU LUYEN
Bai 17. Tinh cdc tich phan sau:
» £
5 f o TR g b) 7=[sin2x(l+sin’x) dv o) I=[— " —dx
o l+cos™ x 5 o 48in” x+cos” x
T x L
3 2 . 2
; 2
d) I=I51n 2x(l+coszx)4dx e) I=I - Zsm al —dx HI= Icob xsin’ xdx
. o 2sin” x+5cos” x )
4
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Dang 8.9: Thém bét 1 dé sir dung cong thure
I= _[(1 +tan’x)dx va | = J'(1 +cot? x)dx

A. PHUONG PHAP GIAI

e Dit r=tanx hodc r=cotx.
»= Chd y:
|
v r=tanx:>dt=(1+tan2x)dx= —dx
s %
% 1
v t=c0tx:>dr=—(]+cot'_r)dx=— —dx
sin” x
sin x Cos X
v Jtanxd.rzj— =—I—) —ln‘cos.r|+C
cos X cosx
COS X er])t
v Icolxdx j dx= I =In|sin x|+ C
sin x sin x
e Doican.

B. TOAN MAU

Vi du 57. Tinh cac tich phan sau:

x

4
) 1’=‘[tan4 xdx b) I = | cot’ xdx

J;-|§|1_—.'|.)::;

C. BAI TAP TU LUYEN

Bai 18. Tinh céc tich phan sau:

T

1
a) I=Jlan5xdx b) I =|cot® xdx

||y

iy L= (cot x+cot’ x]dx e)

*-Ih‘—-;mihl

il
4

c)I= j tan’ t+tanx dx
0
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Dang 8.10: Phan tich thanh téng (hiéu) hai tich phan

A. PHUONG PHAP GIAI

Diing cdc phép bién doi dai sd, lugng gidc dé dwa tich phén can tinh vé tdng (hiéu)
cua céc tich phan don gian hon.

B. TOAN MAU

Vi du 58. Tinh cdc tich phan sau:

T

4 F Inz —X e

a) fzjmdx b) fzje'“ B_+ i.1 dx o I=jx+lnxdx
5 Cos"x 5 21 " P+l ¥ X

C. BAI TAP TY LUYEN
Bai 19. Tinh cédc tich phan sau:

T z z
13— Si 24 = 4 33 —4gin’

2) I:I .29:n2xdx b) Izj-smx '2003 xdx o I=_[ cos x —4sin xdx
w SIn"Xx e sin x 9 Ccos X
n 4
L3

eq.3 . A4 e 4 : S

d) I=isinx(cot.r+cos4x)dx e) I=.|.de f) 1=J"‘C Tt plnpdd
T I X | X
3

File word lién hé: toanhocbactrungnam @ gmail.com MS: GT12-C3




GV. TRAN QUOC NGHIA - suu t4m va bién tap

27

Dang 8.11: Phwong phap dbi bién dang 2
A. PHUONG PHAP GIAI

8 |

x.5lg”=x )d.x bat x= asmr(a>0):>dx-a cost.dr, te{—% %}

xNa? +xt )dx bit x=a.tant =>dx=— g te[—ggzj.

L
e

(
(
Sz
(

cos’ t v
° j' X, ]dx.f)at x:a.tant:clr=a(|+tan2r)dt,re[—% %)
o [(xixt-d’ )dx.E)a‘it r=—L s dy =200, re[O;z]\{—}.
cost Ccos™ ¢ 2

a+x la—
hoéc dx. DPiat x=a.cos?2t.
a—x a+x

dx bat x=a+(b—a)sin’z.

]dx bat x-— .‘:;[—1:>cbc——g

X,

]
a
- a
—
(%]

(x—a) Nax® +bx+c 4 r

I(’Q/ax+b,...,Wax+b)dx. bit " =ax+b v6i n=BCNN (n;;n,;...;n,)

B. TOAN MAU

Vi du 59. Tinh cac tich phan sau:

| | 2
a) I=[V1-2dv b)1=j4ix2dx ¢) I = j\/ji
0 0 X
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5

de b)I=|x"[—dx

5+x
5—x

= Sy 13 | 2
s
|
-

Vidu 60. Tinh cdc tich phén sau: a) [ = j'
0

C. BAI TAP TU LUYEN

Bai 20. Tinh cac tich phan sau:
| | |
a) I=[= 3 b) 7= L ax 0) I=[x*V1-x7dx
0 0 0

1+ x 1+ x°
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Dang 9: Tinh tich phan bang
phuong phap tich phan tirng phan

. Dinh bj: Néu u(x) va v(x) c6 dao ham va lién tuc trén [a;b] thi

b b
i
Iu dv= uv‘u — Ivdt{

i a

b
. Cdch gidi: Tinh 1 = [udy

v (B du =13y dao ham
bat T 2 oy
dv=Phan con lai v=Ilay nguyén ham
r b

Suyra [ =‘[udv =uv‘i —jvdu
% Phuong phdp tich phan ting phan thuong dung dé tinh céc tich phan ma ham 50 duoi

déu tich phan c6 dang tich ctia ham da thirc voi ham lwong gidc, ham da thirc voi ham

logarit, voi ham mu... Luu y khi dat:

e Dit u sao cho dé le’iy dao ham va theo thir tu vu tién:

|10g/ln — da thic = mil — luong giéc|

e Dat dv sao cho d& tim nguyén ham.
e Mot sd cdch dat thudng gap:

sin x
v Dang I:J cosx |P(x)dx.
e.\"a.r
sinx
Dit u=P(x), dv=|cosx |dx, vdi P(x) 1a da thirc.
e.\',a,\'
In x
v Dang [ = P(x)dx.
ang J{logux] () dx

Inx 1

de; dv=P(x)dx, voi P(x) lada thic hodc P(x)=—.

n

Dat u= |:
log, x

sin ;
v Dang [ =J{Cogi}e"dx.

Dat u=e*, r6i dp dung nhiéu lan.

Véan dé then chdt cta phuong phdp tich phin ting phé‘m la cich lya chon ham u cho
]
thich hop. Ham u c¢éan chon sao cho viéc tinh j-vdu la dé dang va can dam bao sao cho

a
néu nhu ta can sir dung nhiéu lan cong thirc nguyén ham tirng phén, thi cang ngay viéc

ldy nguyén ham cang phai dé di.
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b
Dang 9.1: Tich phén | = [P(x).(lwong giac)dx
a
A. PHUONG PHAP GIAI
bat  u=P(x)=>du=P(x)dx
dv =(lugng gidc)dx = v=...
Suyra I=...
B. TOAN MAU
Vi du 61. Tinh cdc tich phan sau:
a) [ ={j:(x—l)cosxdx b) fz;[w;xdx c) l =_([2xcos2 xdx d) / =!4xsinxcosxdx
C. BAI TAP TU LUYEN
Bai 21. Tinh céc tich phan sau:
a) I=[xcosxdx b) 1 = [(2-3x)sin3xdx c) I=I2x(2c052x-l]d.x
d) r:jx(l—zsinzx)dx e) I = 4xsin® xdx f)I=[——dx
A s ¥ sin” x
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b
Dang 9.2: Tich phan I= IP(x).(hém s6 mii)dx

A. PHUONG PHAP GIAI

Dat uzP(x)iduzP'(x)dx
dv = (ham s6 mil)dx = v=...

Suyra I =...

B. TOAN MAU

Vi du 62. Tinh céc tich phan sau:

c) !:j(x+l]e"dx

0

a) !=JL.te"'dx b) !:j%dx
0 |

0

d) 1= [(2x—1)e*dx

C. BAI TAP TU LUYEN

Bai 22.

Tinh cac tich phan sau:

a) I=[(x+1)e'dx b) I=

jxe"'d.x
0 0 ¢
d) fzj(x—l)(2+e-‘)dx e) 1=j(x:1)dx b fzj(zxwtl}
0 o © 0 ©

File word lién hé: toanhocbactrungnam@gmail.com

MS: GT12-C3




TAILIEU HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG

32

b
Dang 9.3: Tich phén | = [P(x).(ham sé logarit)dx

A. PHUONG PHAP GIAI

PDat wu= (ham do logarit) = du=...
dv= P(x) dr=>v=..
Suyra I=...

B. TOAN MAU

Vi du 63. Tinh cdc tich phan sau:
a) fzfxlnxdx b) lzjxlngxdx
1 1

I
c) I :J(2x+7)1n(x+1)d.x
0

C. BAI TAP TU LUYEN

Bai 23. Tinh cdc tich phén sau:

a) I={In(x+1)dr b) 1=](1-2x)In xdx
! |

d) f=j"”‘dx e) !=Tm—xdx
1 X 1\[;

1
¢) I'=[2xIn(3+x)dx
0

e

f) 1=j(xlnx)2dx
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b
Dang 9.4: Tich phan I= j (ham sé mii) . (ham sé lwong giac) dx

A. PHUONG PHAP GIAI

Diing hai lan tirmg phan va ca hai lan déu dat « = ham s6 mil (hodc u = ham sd
luong gidc).

B. TOAN MAU

g

Vi du 64. Tinh cdc tich phan [/ =Ie"' cosxdx.
0

C. BAI TAP TU LUYEN

Bai 24. Tinh cdc tich phan sau:

2 z ;r
a) [ =J'e2" sin xdx b) I =Jel‘ sin” xdx c) J'eg"' sin 2xdx
0 0 0

Dang 9.5: Tinh tich phan, tim nguyén ham bang cach
phéi hop hai phwong phap

A. PHUONG PHAP GIAI

Mot sb bai todn tinh tich phan hodc tim nguyén ham su dung ddng thoi ca hai
phuong phédp doi bién va tirng phan.

B. TOAN MAU

Vi du 65. Tim cdc nguyén ham sau bing cich phéi hop hai phuong phap / :je"mdx .

C. BAI TAP TU LUYEN

Bai 25. Tim cdc nguyén ham sau bang cach phdi hop hai phuong phip:
a) !:Iln(x-hx?)dx b) I:jxtanzxd.x C)I:Jsin(lnx)dx

Bai 26. Tinh cac tich phan sau:

:l'l,-'.4 ug
a) Je‘ﬂdx b) J sin/x dx c) I= jcos(ln.r)dx
0 |

0
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Dang 9.6: Phan tich thanh téng, hiéu hai tich phan
A. PHUONG PHAP GIAI

Diing céc phép bién ddi dai sé, luong gidc dé dua tich phén can tinh vé tng (hiéu)
cua cdc tich phan dé vigce tinh todn s¢ don gian hon.

B. TOAN MAU

Vi du 66. Tinh tich phan [ = j[ﬁl]ln xdx.
X
|

C. BAI TAP TU LUYEN

Bai 27. Tinh cdc tich phan sau:

T

x
e 3 2 2
a) J’:jJr o wian b) I:j(x+5inx)cosxd_x c) I:I(x+cos3.r)sinxdx
I x 0 1]
2 0 o
d) I=[(2c+sinx)sinxdx ) I=[x(e +arl)de  f) 1= gy
! Y ¢ cos’x

Dang 10: Nhirng bai tich phan tinh du'gc
bang nhiéu phuong phap
A. PHUONG PHAP GIAI

Mt s6 bai tich phan ¢6 thé dugc tinh bing nhidu cich khdc nhau: bién d6i dua vé tich
phan don gian, phuong phdp d6i bién s, phuong phdp tich phin timg phan, ...

B. TOAN MAU

Vi du 67. Tinh céc tich phan sau bang hai phuong phép I = _[x(l —x)j dx,

0

File word lién hé: toanhocbactrungnam @ gmail.com MS: GT12-C3




GV. TRAN QUOC NGHIA - suu t4m va bién tap

35

I

DS: I=2—m3
2

C.BAI TAP TY LUYEN

Bai 28. Tinh cic tich phan sau:
0 5 * dx 4 3
a) I=| ~dx b) 1=] 0 I=[%(3-2") dx
4 (x2+l) 1 X+l 0
I 2 B2 I 2
-2 x' - -3
d)f:I LA dx e)::j%dx r)r:j' Bl
]x +2x° +5x  +4x+4 o 5 o ,x(x +3x +2)
2
(2x+5)dx dx ; x*dx
) L= .I- ) h) !=J 2018 1) I=I 2018
x +11+2 x +Tx+12) (]+.x ) (1-x)
Bdp s6: a) 2 cdch, I =1/32 b) 2 cdch, I= j,_arctan 5 4\5[ nilig— ;;g]
¢) 3cdch, 1=5/2 d) Cd 3 cdch giai, 1 =-3/44 e) 2 cdch, I :%—14—%
» 21 13 5 1 5 5 1 2018
de =—— —In3 dch, I =—In| — deh, I= - 1
) 2 cdch, 1 g2+ -n3  g)Iedeh, 1 21;{4] h) 2 cdch, I=1n|x| Sn{x +1)+C
j)zc‘dch’ 1 = 1 M7 = ] 2016 l Mis
2017(1-x)™"  1008(1-x)"""  2015(1-x)""
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Dang 11: Chirng minh ding thirc, bat
dang thirc tich phan

A. PHUONG PHAP GIAI

thuong dung phwong phap doi bién.

e Thong thuong dé chirng minh cdc dang thire tich phan, hay tich phan bang nhau ta

 Dé chirng minh céc bat dang thirc tich phan ta diing tinh don diéu ciia ham s6.

B. TOAN MAU

Vi du 69. Chirng minh ring
a) [ f(x)dx=[f(1-x)dx b) [ f(x)dx= j[f )+ f (—x)]dx

Vi du 70. Cho Jf )dx=3. Tinh ff )dx trong cac truong hop:

a) f ld ham le. b) f laham chan.

Vi du 71. Chirng minh cic bit dang thL’rc sau:
a) f(x)20 trén [a; b]:>jf )dx>0

o

b) f(x)2g(x) teén [a; b]zjf(x)dxéjg(x]d.r

a

c) m< f(x)<M trén [a; b]= m(b-a)< [ f(x)dx <M (b-a).

i
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Vi du 72. a) St dung bét ding thirc & vi dy trén dé dénh g j:,ié cdc Lich ph&n'
1 0,5
dx

S _J

b) Tir cong thirc 7 = J + K, hdly dua ra mgt ddnh gia chsmh xdc honcho 7.

[4+x* l+x

Vi du 73. Chitng minh céc ménh dé sau
) Néu f 1a ham chin va lién tuc trén doan [-a; a] thi _[f )dx = 2_[}‘

=il

b) Néu f 1a ham 1é va lién tuc trén doan [—a; a] thi j f(x)dx=0.
Ap dung tinh céc tich phén sau:
: ' ) 1065+/3
a) 1= [ cos’xdx b) J:j[ln(x+\/l_+x‘ ]} & s 1210653
-1

3

. J=0.
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Vi du 74. Chirng minh ménh dé:

Cho f(x) Taham chin va lién we trén doan [—a; a] , khid6 7= | %dx = [/ (x)ax.
: 0

—-d

I

Ap dung tinh tich phan a) I = I (2x S’E 5 1)
b Pl S 015 o

L
b J=[* oS ¥ e B T, g=2
PSS 4 4
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Vi du 75. Ching minh ménh dé:
a) Cho f (x) la ham chén va lién tuc trén doan [~a; a], khidé I = I f If
. b
b) Néu f(x) lién tuc trén doan [a; b] thi j_f =If(a+b—x)dx :
Néu f(x) lién tuc trén doan [0; 1] thi _2[ (sinx) j (cos x)dx
0 1]
la
)+ £ (2a—x)]dx.

d) Néu f (x) lién tuc trén doan [0; 2a] thi If (x)dx= Hf

Ap dung: tinh cdc tich phan sau:
l & - . 4
1=J Ty BS:1=—) J=Iln(1+tanx)dx BS: J==In2)
(27 +1) (27 +1) 4 ) 8
o k4
K,—_i 51_r11 x.cosx_l dx (DS: 1=£) L Isinx.sinlx.sinl%xdx DS: L=0)
o sin"” x+cos" x 4 e

--------
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Bai 29.

Chirng minh:
1 2
a) 1< | “4;‘” dxsg

N
i) —<

—_—<—
16 54+3cos“x 10

X
dx
k) Egjﬁibr
5 81 x+Co5" x

m) 54\5&}( x+7 + ]I—x)dxéIOS

b =]

0)

o

(\/cos x+2sin” x+\fsm x+2cos’ x)

|

g.
g
E
[
8 oty
e

{ Y
p—
1N
V4%
B | —
1A
NN

=
S
W | o
IA
e 1] paz
=
IA

.ac(lmx)zd.xsi

L—
L
o
IA

O e, —

»| &
A

| —y |
w
=
-

e
3
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Dang 12: Tich phan truy hoi
A. PHUONG PHAP GIAI

Thong thudng sir dung cong thire tich phan timg phan, ta s& bicu dién duge I, theo cdc I,

voi k <n—1. Cong thic d6 goi la cong thirc truy hoi.

B. TOAN MAU

]

Vidu 76. Cho I = Icos” xdx voi ne N. a) Chimg minh 1, =n—_11”_2 véi n>=2. b) Apdung tinh 7,.
n

i

Vidu 77. Cho I, = [ x"e* dx v6i ne N. a) Ching minh 7, =e—nl, , v6i n>1.b) Ap dung tinh 1.

n—1

o ——ra | By

C. BAI TAP TU LUYEN

T

4
Bai30. Cho I, = j tan” xdx véi ne N. a) Tim mgt cong thirc truy hdi cho 7, . b) Ap dung tinh 1.
0

lfﬂ .b) Ap dung tinh I, .

e .

T
Bai31. Cho 7, =[cos" x.cosnxdx v6i ne N. a) Chimg minh /

0

sin” xdx véi ne N'. a) Chimg minh 1/, =n—_lln_2.b) Apdung tinh 7, I..
n

o i |

Bai32. Cho 7, =

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




TAILIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 42
Dang 13: Ham s6 dudi dang tich phan
A. PHUONG PHAP GIAI

hix)
Ham s6 duéi dang tich phéin 12 ham s6 ¢6 dang G (x) = j f(t)dt
0

Budc 1: Tinh tich phan theo tham sd.
Budc 2: Giai bai todn theo dé bai dé tim tham sb.

B. TOAN MAU

UJ';
Vi du 78. Tinh dao ham cia ham s6 G (x)= J costdr voi (x>0).

0

Vidu79. Tim f(4),biét [ f(r)dr=xcos(zx).
4]

Vi du 80. Giai phuong trinh f(x)= I[élsin“r—%jdr =0.(PS: x=k7ﬂ,ke Z*)

0

C. BAI TAP TV LUYEN

Bai 33. Tinh dao ham cua cic ham s sau:
sinx \.I'T e
a) G(x)= [ 3Cdr b) G(x)= [ sins’dr véi (x>0) ©) G(x)= [cosrdr
1 I |
. Flx)
Bai34. Tim f(4), bict j t* dt = xcos(7x).

0
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BAI TAP TONG HOP VAN DE 1
4
Bai 35. Choblctjf )dz=7, jf =3. Tinh [ f(r)ds
3
Bai 36. Cho biét jf 1)dr=5, jf )dr=6. Tinh jj
Bai 37. Cho bidt jf x)dx=-1 jf x)dx=5, jg )dx =4. Tinh:
1
9 9 7
a) [-2f (x) b) J[f( Jrg(x)]de o [[2f(x)-3g(x)]dx ) [f(x)dx
| z 7 1
Bai 38. Tinh cdc tich phén sau:
3
2 2 3(x*—x -l N2
) [ o [ |5
! I e PN
8 1 2
d) j[ J e) [Vaxdx B [(2+e™)dx
| 1] |
4 | 1 1\/_
3 3 h . 1 x(I+x")d
g)‘l[xe] );[x“’+2x+l );[ r( x)x
9 ] 2 | dx
B [—————dk )} m)
't[\/x+[6 Jx j:«fx—1+\/x+l ;[\fx+l+\/x—1
Bai 39. Tinh cdc tich phan sau:
F2x% —3x45 —3x+3Y tx+2Y
a) | —dx b dx
‘ '[ x—1 ‘ '[ )J;[x—lJ
t3x—4 [ t X —dx+4
d dx —dx
) ;[I x+2 '!. ¥ :[| 2x-1
2) ‘[x —t+5 j -3x*+x—-4 Pyt _23x2+4dx
w x+2 - 24+2x+1 x—1
Bai 40. Tinh cdc tich phan sau:
% 2 W 2 % E = x 2
. ‘,=J-351n x 24003 X i By JCOSZxdx . 1=Icos2x ’33111 X i
0 COS™ X E Sin- x 0 CcOs8™ X
4
3 5 o 5
d) ]~I2¢052x+ d &) !:j dx f !:J cos 2x dx
> sin"x 5 sin® xcos” x xsm Xcos” x
n 8 6
- £ E
) I=J-cos3xdx h) ]=jsm3xdr , ":I I+sin2x
o COSX x s1n x s sin x+cos x
61 o 5; 3 %
K) 1=J1 a.1n2x+0052xdx ) !:I cos‘ X B m) 1=I(sin4 x+cos4x)dx
y SInx—cosx o 1+sinx A
Bai 41. Tinh cac tich phan sau:
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T
a) Jsin?‘ 2 xdx
{]

T

4
d) Itanz xdx
1]

g) | cos2xcosSxdx

=
-

St R —

(cos" x—sin’ x) dx

T

.
o K
n) Icos xsin—dx
[t} 2

q) I= i(sin°x+cosf’ x)dx
0

Bai 42. Tinh cdc tich phén sau:

\1—=sin® x dx

/]+0052x dr
2

Jeos x—cos® x dx

a)

L | —

(=7
—
Sy

g)

Mi'al-_..—,ni?%

Bai 43. Tinh cdc tich phan sau:

a) i|xz+4x+3‘dx
(4]

d i x—1|dx
)I[x‘r |

Bai44. Tinh cdc tich phén sau:

0

a) [x(3x+2) dx
-1
1

d) Ix3.x3/x2+ldx
0

1
g) IxE\KBx-I-ldx
0

cos’ xdx

=
—

| B — [ | —a |

(tanx+cotx)2dx

@]
—

0
h) j sin 3xsin 4xdx

2

cos3xcos3xdx

—_—
—

&

S t— | ,Jl;‘,‘—so H

43
=
o
=]
7]

™
[t
ra

r) dx

T
7 _T sin® x+cos' x
¢ cos’2x

3
5

\1+cos2x dx

b)

1 —cos® x dx

L¢]
~—

(= [N b N — |

(5]

x

2

h) Hl—sin 2x dx

‘xg +x—2‘dx

x*—4x+4 dx

N2 £
.

(3]

=

e

=

g

=3
—

Sh— o e,

T
2

c) jsind xdx
0

sin x cos 3xdx

f)

= i

(sinx+cos x)” dx

i)

O e 1 |

m) | sin2xsin 7xdx

Syt |

rH

dx

. 3 2
sin” xcos” x

P)

o0 | tm—oe |

T
3

s) [ =I(2tanx—3001x)2dx
i)

b | A

c) I = [Vtan? x+cot® x—2 dx

=

L]

11
—n TN

V1=cos2x dx

P

4

z
i) j\/I +sin 2x dx
1]

c) j.|x2—4‘dx
&L

5

0 ] (e-1l-p ax

o) [Vt —1dx

—_——

f) j‘(x—l).x/“ 9x—1dx
!

i) | xvx?+1dx
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1

k) j_r(x2+3)5dx

=¥ Vz_.x

0 j~ dx
B =1

Bai45. Tinh cac tich phan sau:

a) Jz-xz 4—x* dx

2
|
X &
g)_c[ 4—x
3 2
K) f l:f dx
S
ENE)
W [ =75
A XN +9
3
@ [——
i (r2+9)
0
dx
) ;'..x2+2x+2

Bai 46. Tinh cac tich phan sau:

Bai 47. Tinh cdc tich phan sau:

€

d) [er(1+e) dr

2
D ;[;xz—kldx

2 2
X
0) dx
'|[ Vi +2

g
x4+ X7

e) ;[x.e‘l"dx

|
dx
C)'{[xz-!-?)
f) j; l;xzdx

[ dx
m)
(x* +16)
|
dx
P | —
L 2—x
)
0 (x2+3)
1]
dx
V);'-x“+2x+4
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Bai48. Tinh cdc tich phén sau:

tan xdx

D e |

a) j'gin5 il b)
1]

T

3 2 i
d) Isinz x tan xdx e) j&dx

1+3cosx

=

cot xdx

\-._.-F

=
O eyt M D ey [ o h'———..h|=|

1+ 4sin x cos xdx

: ;
g) I BT h) Icosx i) | /sin x cos xdx
o 1+sinx zsin” x
4
T n
* 4gin’ x - - -
k) I dx ) j\/l+smxdx m) jsm' 2xcos2xdx
o 1+cosx > 5
T x ir
x sin/x 1 +sin 2x 1 dx
n dx —dx
! J Jx )-[[ cos’ x P ;[sinzx(]—cotx)
6 2
i = L2
2 3 . 4
r sinx dx
Q) |cos’ xdx r) | ——dx §) | ————
!: }[\? 1+cosx ;';sm * x+/cot x
ﬁ
; 3 2
t) Ism xcos’ xdx u) I 14 dx V) J- C(.)Sde
o L CO8T & o 13—10sin x —cos 2x
- 7 Z
w) j'sm 2 dx X) Icf)sz  dx y) J.ﬁmgxcc;s3 xdx
Ccos” x 2 sin” x g
6
3 cos' x 7 sin” x s cos' x
Baid9. Chimg minh [—————dx j dx. Tird6 suyra [ = [ —————dx.
p COS" x+sIn" X Ucos x+sin’ x 7 COS  x+s8In- x
. sin” x . cos’ x
Bais0. Cho /=|—— dx va J = |-
) sin x++/3 cos x v sin x++/3 cosx
a) Tinh 1 -3J val+J.
T
b) Tir két qua trén hay tinh cac tichphan 7, J va K = J ca8 3% dx.
$x sin x++/3cosx
2
Bai 51. Tl’nh cdc tich phan sau:
2l fx’—x+3 ¢ 3x-2
a) b) | ——dx ) | = dx
;[ ;( 25~2 ;[l ¥ —x—6
t dx t dx
d) e) | ———
I[x+l] '[xz—4x+5 '][x —2x+5
dx ¢ dx ¢ xdx
— h) | ——— 1)
2 '!2x2—5x+?_ ;[2x2+4x+l -‘-2x2+2x+5
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3x-1 2x+5 x°—2x+3
k
) '[x —4x+8 )Ix —2x— 5 );[x —4x+5
5 | 0.3 32
1-2x P42 x—x"+1
n) J-idx 0 J,i p) I dx
Y X =l x —6x+10 L =z
| 2 ]
X e 2x® +x+1 X —x+1
dx r dx S dx
v '!:xz—Zx—fi : J‘l ) ;[ x—1
1 3 24415 [ .4 5 4
3x dx X 4+x +x+2
. 0 T o [ExEereg,,
R | s X —4x+9 g x +1
Bai52. a) Xécdinhcdcsb A, B saocho: 2 -4, B
(x+]) [x+1)“ (x-l-l)'
b) Tinh: I = j ]
(x+1)
BAi53. a) Xdcdinh A, B, C saocho: 22 *>*+3__ A B, C
x —3x+2 [x—])' x—=1 x+2
b) Tinh: [ = JM
3x+2
Bai 54. Tinh céc tich phan sau:
a) I=[( +2x)sinxdx b) 1= [ (x+1)" cosxdx
0 0
2 jxsmx
c) I=Jﬁx(sinx+cosx)d.x d) I= J
0 . cos’ x
: :
&) 1=Jxlcozsxmr B F= J Xcos2x
- sin“x 0 1+Sln2x

1

h) I=[(x+1) e dx

k) = dx
" VXx+1
m) [ =j11‘1(\)‘):2 +9-x)dx
0
0 I:iln(x“:])
[ X
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Cau 1.

Cau 2.

Céau 3.

Cau 4.

Cau 5.

Cau 6.

Céu 7.

Cau 9.

BAI TAP TRAC NGHIEM VAN PE 1

2016

[2D3-1] Tich phan | 7'dx bing

72017
2017

A 720]6_]
7

B. (7" -1)ln7.  C. -7. D. 2016.7*".

b
[2D3-1] Vé6i a,b 1a cdc tham sb thue. Gid tri tich phan I(3x1 +2ax+1)dx bang

0

A. 3> +2ab. B. b’ +b’a+b. C. b +b. D a3,

[2D3-1] Cho f(x), g(x) 1a hai ham s lién tuc trén R . Chon ménh d¢ sai trong cic ménh dé sau:

A [ £(x)ar=[ 7 (3)ay Bj[f x)+g (x)]dx= jf de+ 5 (x)dx
C.Tf(x)dxz{]. D.j[f(x).g(x)]dxzjf(x)dxjg(x]dx

[2D3-1] Gia st ham s& f lién tuc trén khoang K va a, b, ¢ 1a ba sb bat ki thudc K. Khing

dinh nao sau dﬁy sai?

Aj; dx+jfr)clx [f dx; ab.ij

. jf dx;tjf D.jf(x)dx=-jf(r)df.

(/]

[2D3-1] Giast f (x) 14 ham lién tuc trén R va cdc so thuc a < b < ¢. Ménh dé nao sau day sai?

- [ 1 (as=Jr@ace (3 B [ (9as=] £ ()ax=] 1 ()
C.Tf( J'f dx+j'f D.jcf(x)dp—cjf(x)dm

b

[2D3-1] Cho j £ (x)dx=3. Khi d6 j[4 f(x)—-3]dx bing:

A.8. B. 6. C. 4. D. 2.
9

[2D3-1] Gia st jf )dx =37 va jg dx=16. Khi do, I =[[2f(x)+3g(x)]dx bing:
0

A. I1=122. B. I =58. C. 1=143. D. I =26.

ir
[2D3-1] Néu b —a =2 thi biéu thirc _[2xdx c6 gid tri bing:

i

A. —(b+a). B. 2(b+a). C. b+a. D. 2(b+a).

|
[2D3-1] Tinh [ = Iez"'d.x.
0

e’ —1 1

Ao 62_1- Bc e_]. Co Do €+§.
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Céau 15.

Cau 16.

Cau 17.

Cau 18.

[2D3-1] Cho If x)dx=5.Tinh [ = I x)+2sin x}dx
A I=T. B. I=5+E. C.1=3. D. [ =5+m.
[2D3-1] Cho jf )dx=2 va J'g dv=-1.Tinh 7= [[x+2f (x)-3g(x)]dr.
-
Ao peil B bl e r=2, N
2 2 2 2
3 .
[2D3-1] Tich phan /= [——dx bing:
> X+1
A. lni. B. —lnﬁ. C.i. D. lng.
3 3 3 4

[2D3-1] Cho ham s6 y= f(x) lién tuc trén khoang K va a, b, ¢ 1a ba s6 bit ky thude K .

Khang dinh nao sau déy 1a sai?

A. if’(x)dx=0. B. jf dx+jf jf(x)dx Vi ce (a:b).

C. ff(x)dx=jf(r)dr. D. jf(x)dx=—Jf(x)dr

[2D3-1] Cho ham sé f(x) c6 dao ham trén doan [1;2], f(1)=1 va f(2)=2. Tinh
j F(x)ax

A I=1. B.I=-1. C. I'=3. D. I:%.

[2D3-1] Tim nguyén ham cua ham s§ f (x) =sin3x.
A. If(x)dxz%sinf;x-k(ﬁ‘. B. [f(x dx-—%cosBx+C

& J'f x)dx=cos3x+C. D.jf(x)dx:—3cos?,x+C

[2D3-1] Gid trj cia J:(3x+l * dxla

A. 63. B. % C.8—5. D.i.

4 12

[21)31]Neujf )dx = 3vajj )dx = 9th1jf )dx bing bao nhiéu?

A8, B. 6. . 12. D. -6.
[2D3-1] Ham s6 y= f(x) lién tuc trén [2; 9]. F(x) 1a mdt nguyén ham cia ham 6 f(x)
trén [2; 9] va F(2)=5; F(9)=4. M¢nh dé nao sau day diing?

9

A.ff(x)dx=—1. B. [ f(x)dx=—1. C.jf(x)dx=l. D. [ f(x)dr=20.

2 2

R =
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Cau 19.

Cau 20.

Cau 21.

Cau 22.

Céu 23.

Cau 24.

Cau 25,

Céu 26.

Céu 27.

[2D3-1] Cho hai ham sé f, g lién tuc trén doan [a:b] va sb thuc k tiy y. Trong cdc khing

dinh sau, khing dinh nio sai?

A. jxf )dx = xjf B. [ f(x)dr=—[ f(x)dr
a b
b b b b
g ka(x)dx=kjf(x)dx. D. j[f(x)-kg(x)]dx=jf(x)dx+fg(x)dx.
[2D3-2] Cho céc sb thuc a<b<c, jf x)dx=7, jf dr=-2. Khldojf )dx bing
A. "7 B. -14. C. 9. D. 5.
[2D3-2] Cho ham s& y = f(x) lién tuc trén [0;10], thoa mén j' f(x)dx=7 va j £ (x)dx=3.

10

Tinh gid tri biéu thic P = If x)dx +_[ Fix

A. P=4. B. P=2, C. P=10. D. P=3.

[2D3-2] Cho j.f(x)d_le, jf(r)df=—4.T1'nh Izjf(})d}

Aa I =5, B. 1=-3. C: I'=3 D. I =5.

6 6
[2D3-2]Biét f(x) 1a ham s6 lién tuc wén R va jf jf(r)d!:—S. Khi dé
0 2

2

J[f(v)—S]dv bang

{]

A1, B. 2. C. 4. D. 3.
[2D3-2]Cho ham s6 f(x) 6 dao ham lién tuc trén doan (4], F(1)=1 va Jf'(x]dxzz. Gi4 tri

f(4)
A. 2. B. 3. C. 1. D. 4.

[2D3-2] Cho Jx"c:bczﬁL va I

5 =Inm, v6i n, m la cac s6 nguyén duong. Khi do:
x —

A. n>m. B.l<n+m<5. C. n<m. D. n=m.

[2D3-2] Cho ham sb y=f(x) lién tuc trén R, jf x)dx = 2016, _[f )dx=2017. Tinh

Tf(x)dx
A.Tf(x)dx=4023. B.j"f(x)dx=1. C.if(x)dx=—1. D.jf(x)dx=.

[2D3-2]Cho J'f )dx=2 va Ig )dx=1. Tinh [ = J'[loogf(x)+2g(x)]dx.

A. x=2017. B. x=2016. C. x=2019. D. x=2018.
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Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

In2 e2.\'+1 l
[2D3-2]Tich phan |

0

A. 1. B. 2. C.o. D. 12.

" dx=e+2 . Tinhtich ab.
e’ b

[2D3-2]Gid sir jf )dx=3 vajf )dz =9. Téng jf dr+jf (t)dr bing

A. 12. B 5 C. 6. D. 3.

b
[2D3-2] Cho ham s6 f(x)=asin2x—bcos2x thoa min f’[%)=—2 va jadx=3. Tinh tong

a+b bﬁng:
A. 3. B. 4. €. 5 D. 8.
3

[2D3-2] Cho f(x), g(x) la cdc ham sb lién tuc trén doan [2; 6] va thoa man Jf (&) dec=3;
6 6 y g
[ f(x)dx=7; [g(x)dx=>5. Hay tim ménh dé sai?
3 3

6 3
A. [[38(x)- f(x)]dx=8. B. [[3/(x)-4]dx=

3 2

Ine® Ine®
C. [ [2f(x)-1]dx=16. D. [ [4f(x)-2¢(x)]de=16.

2 3

Jx

[2D3-2] Cho ham sb f j 4r° —8: dr. Goi m, M lan lugt I gid tri nho nhat, gid tri lon

1
nhit cia ham s& £ (x) trén doan [0;6]. Tinh M —m.

A. 18. B.12. C. 16. D. 9.

[2D3-2] Cho j ——L dx=aln2+bIn3 voi a,b la cic ) nguyén. Ménh d¢ nao dudi
x+1 x+2

day dung?

A. a+b=2. B. a-2b=0. C.a+b=-2. D. a+2b=0.

5
[2D3-2] Cho ham s6 f(x) c6 dao hamtrén [2;3], £(2)=1 va jf’(x)d}:zZUl? . Tinh f(3).

2

A. f(3)=2016. B. f(3)=2017. C. f(3)=1. D. f(3)=2018.
5 5 4 4
. I .
[2D3-2] Cho [ f(x)dx=5, [ f(x)dt=-2 va J.g(.x)du=;.Tnh I=[[f(x)+g(x)]dx.
-1 4 - i -1
Ao 1—2 B Lt L r—= o f—
3 3 3 3
[2D3- =InK . Gid tricia K 1a
A.9. B. 3. . 81. D. 8.
[2D3-2] Cho jj x)dx=2, jf )dx=—4, khi d6 jf )dx bing
A6 BB C.6. Di—&:
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Cau38. [2D3-2] Cho ham sb y=f(x) ¢6 dao ham tén doan [-2;1] va f(-2)=3, f(1)=7. Tih

I
~

A. I:%' B. I C.1=-4. D. 1 =10.

h
Céu 39. [21)3-2]Chojf )dx=5; jf )dx=2 véi a<d <b.Tinh I = [ f(x)dx

A. I=3. B. I=0. C: I'=17. D.[=-3
b
Céiu 40. [2D3-2] Cho a, b lacic $6 thuc duong théa man JE—JE;-i-l:O.Tinhtich phéin !=I%.
3 X
AcI=2. B.I=1. C.1=-2. D.1=%.

Cau 41. [21)321Choa<b<.:,jf )dx = 5vajf )dx=2. Tmhjf

A.J'f(x)dx=-z. B. jf(x)cnczs. C. jf(x)dx=7. D. [ f(x)dx=1.

20177
Cau 42. [2D3-2] Tinh tich phan | sin xdx.

4

A, 2. B.0. .2, D 3.

Cau 43. [2D3-2] Tim s6 thuc a sao cho jﬁdx =1

A. a=+2%2. B. a=+1. C.a=122. D.a=+

Cau 44. [2D3-2] Giai phuong trinh Ie'dr =22 1
[t}

2017

A. x=2017In2. B. x= .
In2

C. x=2017. D. x=2017.

0
Cau 45. [2D3-2] Cho ham s f(x) ¢6 dao ham trén [0;1], F(0)=1, f(1)=-1, tinh 7 =jf’(x)dx
1

BhE =1} N C.1=-2. D, I=0.
Cau 46. [2D3-2] Tap hop cdc gid tri cua a thdéa man J(ZxFB)dx=0 la
1
A. {1;2}. B. {2}. C. {1;-2}. D. {1}.
3
Caud7. [2D3-2] Cho f,g la hai ham lien twe weén [1;3] thoa: [[ £ (x)+3g(x)]dx=10.
|

T[Zf(x)—g(x)]dxzs.wnh j[f(x)+g(,x')]dx.

A. 8. B.9. C. 6. D. 7.
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Cau 48.

Cau 49.

Cau 50.

Cau 51.

Céau 52.

Cau 53.

Cau 54.

Céau 55.

Cau 56.

Cau 57.

[2D3-2] Biét Ij}f (x)dx=10, ig (x)dx=5.Tinh I = i(3f(x)—

A. I=-5. B. I=15. C. I=5.

5g(x))dx.

D. I=10.

4
[2D3-2] Néu f(1)=12, f’(x) lién tuc va jf’(x)dx=1?.(}ia trictia f(4) bang:
1

A. 29. B. 15. C.5. D. 19.
[2D3-2] Cho ham s f (x |x+\/ﬁ | Tinh j' 7(
A. jf )dx=1Inv2. B. If'(x)dx=ln‘1+x/§|.
3
1 If'[x)dx:lﬂn\ﬁ. D. j’f’(x)dxzzlnz.
b

0

[2D3-2] Cho ham sb f(x) c6 dao ham cp 2 trén [2; 4]. Biet f'(2)=

g= _[f )dx, két qua la

1, f'(4)=5. Tinh

A. 4. B. 2, C. 3. D. 1
[2D3-2] Tinh I = jmin (1:x?) dx
A.1=2. B. =S C. 1=0. D, [,
3 3
. 2
[2D3-2] C6 bao nhiéu s6 thuc a thda min Jx:"dxz 2
A0 B3} C. 1. D. 2
2 4 4
[2D3-2] Cho [ f(x)dx=1. [ f(r)dr=—4. Tinh I=f(y)dy
= -2 2
A.1=-5, B.1=5. C.1=-3. D. I=3.
ﬂ"
4
[2D3-2] Cho 1= j =a+b\3 voi a,b 1asd thyc. Tinh gid tri cia a—b.
},,c "xainx
ALY e c.l By,
3 3 3 3

- £ +
[2D3-2] Cho so thuc m thoa man Il mlnt

kién nao sao day?

A, 5<m<0. B.m>—-1. C. 6<m<—4.
(1] I
[2D3-2] Tinh tich phin [ = dx
P :[\fl—x
A.f=l. Bol=l. L I=32,

2
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Cau 58.

Cau 59.

Cau 60.

Céu 61.

Cau 62.

Cau 63.

Cau 64.

Céu 65.

3
[2D3-2] Biét j%m:.amz—blns, trong d6 a,be Q. Khi d6, @ va b ddng thoi Ia hai
5k —

nghi¢m cua phuong trinh nao dudi day?

A. x**—4x+3=0. B. x3—2x+%=0. C. xzux—%=0. D. x2-2x-3=0.

[2D3-2] Trong céc ding thic sau ding thirc nao sai?

T T T
2 2 2
A. Ism xdx = J.dx B. Ism xdx= Icoq tds .
0 0 ]
T z T
2 i 2 5
. sin” x
C. Ism xdx= Ism . D. qu xdx =
0 T x
2 (3]

b

[2D3-2] Tinh I = jsin6 xcos xdx.

A.}'=—l. B.I=—l. C. I'=

= DT ==
7 6 7

g-

[2D3-2] Cho f, g 1a hai ham lién tyc trén [1;3] théa man: I[f(x)+3g(x)]dx=ll].
[[2£(x)~g(x)]dx=6. Tinh [ (x)+g(x)]dx.

| |

A. 8. B.7. 5.9, D. 6.

[2D3-3] Cho ham s6 f(x) lién tuc trén [0;10] thoa man: Jf Jdx=7, J.f(x Jdx=3. Tinh
P=[f(x)de+ [ f(x)dn

A P10, B, P=:. i P=T7, D. P=-4.

[2D3-3] Dé ham s6 f(x)=asinzx+b thoaman f(1)=2 va Jf )dx=4 thi @ va b nhdn

gid tri:
A.'a=b=0. B.a=zn,b=2. C, =2z b=2. D.a=2rxb=3.

[2D3-3] Tich phan 7 = jmin (7 V/x ) dx 6 két qua fa:
0

A.ﬂ. B. 2. C. 4‘5_".
3 3 3

[2D3-3] Tim tat ca cdc gid tri thuc cua tham sd a d& bat phuong trinh sau ddy nghiém diing voi

D. 0.

moi gid trj thye cia x: I(%H— 2(a+ 1)}1:24.

0

A.ae[——;—a] B.ae[(};l]. C.ae[-Z;-]]. D. a<0.
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

[2D3-3] Tap hop nghiém cua phuong trinh Isin 2tdt =0 (an x) la
0

A. kr (ke Z). B.%+k7r(keZ). C.%ﬁ-k:r(keZ]. D. k27 (ke Z).

[2D3-3] Cho if(x)d.r=]0 vil i-g(x)dx=5.Tfnh 1=j[3f(x)—5g(x):|dx

A. I=5. B. I=15. C. I=-5. D. I =10.

: :
[2D3-3]Biét f (x) 1aham s6 lién tuc trén R va j f (x)dx=4.Khidé j[ f(2x)=sinx |dx bing
() 0

A. 2+£. B. 3—£. | B 1+£. D. 2—£‘
2 2 2 2
; x° khi 0<x<l1 F
[2D3-3] Cho hamso y= f(x)= . Tinh tich phan | f(x)dx.
’ f( ) {2~x khi 1£x<£2 ¥ 'l[f( )
et no el b .
3 6 2 2

[2D3-3] Tim tit ca cdc tham sb thiuc m>1 dé phwong trinh J'(zx—l)dx= x* =3x+4 ¢6 hai
(1]

nghi¢m phan biét?
A. m>3. B. 2<m<3. C.m>2. D.l<m<?2.
[2D3-3] S6 céc s6 nguyén me (0;2017) thoa min J.cos 2xdx=0 la

0

A. 643. B. 1284. C. 1285. D. 642.

[2D3-3] Cho ham s§ y=f(x) c6 dao ham lién tyc trén [1;2] thoa man [ f*(x)dx=10 va

ilj;((::))dxﬂnZ.Biét ring f(x)>0,Vxe[1:2]. Tih f(2).
;[x. £(2)=-10. B. £(2)=20. C. £(2)=10. D. f(2)=-20.
[2D3-3] Cho ham sé f(x) c6 dao ham f’(x) Lén tuc tén R va f(0)=-7,
Tf’(x)dx=6;:_ﬁnh 7 (27).

;. f(2r)=6x. B. f(2r)=7z.  C.f(2zr)=5z.  D. f(27)=0.

[2D3-3] Cho ham s6 f(x) thoa man _[(.x+1)f'(x)dx=l{) va 2f(1)-f(0)=2. Tinh

j-f(x)dx.
A _

o!= 12. Bo [:8. Co m:}.. Da I:_S.
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1
Cau 75. [2D3-1] Cho tich phan J‘{‘!l*xdr, voi cach dat +=</1—x thi tich phin da cho bang véi tich
0
phan nao sau day?

A. 3}::.1:. B. jr-‘dx. C. 3jr2dr. D. 3_|Lr3dr .
0] 1] 1] 0

Cau 76. [2D3-1] Cho tich phan I = je“‘”!" sin xcos® xdx . Néu déi bién s6 ¢ =sin® x thi:
]

1 1 1 1
AL feit _[c’dr+ e'dr | B. 7=~ je’dz—jze*df .
2 2 1]

1] 1] ]

1 1 1 1
C./= 2“6(1: +Ire’dr]. D. = Z[Je'dt—jre“dr:I.

{ 0 ] (1]

i In3

Céu 77. [2D3-1] Cho f(x)=3"" T Ham sb nao dudi day khong 1a nguyén ham ctia ham s f (x)?
X
A. F(x)=2(3"+1)+C. B. F(x)=23"+C.
C. F(x)=2(3"-1)+C. D. F(x)=3".

Céu 78. [2D3-1] Tim nguyén ham [ x(x*+1) dx

1

_i 5 10 L 5 1} L 2 10 5
A. 2O(x +1) +C. B. 20(;: +1) +C. C. ]0(3 +1) +C. D.(¥*+1) +C.

T

5

4
Cau79. [2D3-1]Giast [ zjsinSxdx=a+b72(a,be @) . Khi @6 tinh gid tri cia a—b.
0

B. —l. C.i. D. 0.

B
5 5 10

4 1
Cau 80. [2D3-1] Cho /= [ f(x)dx=2.Tinh /= [ f(4x)dx.
0 0

A. I=8. B.I=—. C.I1=4. D.1=2.

2
Cau 81. [2D3-2] Trong cdc tich phén sau, tich phdn nao khong ¢6 cung gid tri voi [ = Ix"' Vx©—1dx?
1

|

r

b 4 S
A. %Ir«—ldr. B. jm‘r—ldr. o J‘(z2 +1) . D.
1 1 1]

(x2 + 1) x*dx.

= ey

B | =

3
Cau 82. [2D3-3] Cho ham s6 f(x) lién tuc trén R va cdc tich phin _[f(tanx)dx=4 va
0

2

1
-, dx=2. Tinh tich phan 1=[f(x)dr.
+ 0

X
vk =8, B.1=2. s T53. D. I=1.

T
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1

Cau 83. [2D3-3] Cho jf dr=a.Tinh [ =[x.f(x*+1)dx theo a.

0

A. I=2a. B. 7 =4a. €, I= D.I=

e s
2 4
CAu 84. [2D3-3] Cho ham s6 f(x) lién tuc trén R va J f(x)dx =2. Ménh dé nao sau day 1a sai?

A. if‘(zx)m=2. B. jf(x+l)dx=2. C jf(Zx)dx:l. D. j%f(x—Z)dxﬂ.

1 : -
Cau 85. [2D3-3] Biét rfing I3cmdx :%e:2 +§e+c (a,b, ce Z). Tinh T = a+%+%.

A.T=6. B. T=9. C. T =10. D.T=5.

1
Cau 86. [2D3-3] Cho f(x) 1a ham sé lién tuc tén R va If(x)dt=201?. Tinh

0

c'——;&»lh

I =| f(sin2xcos 2x)dx.
. B2 C. 2017. L
2017 2 2

1
Cau 87, [2D3-1] Tinh tich phan I = ‘[x ] +x
0

31 p. 30 31 32
10° 10 10° 10

Cau 88. [2D3-1] Cho 7 =Isin2 xcos xdx va u = sinx . Ménh dé nao duéi day diing?
|

A. !=juzdu. B. I:Z_I[udu. C.I=—Tu2du. D. I=—ju2du.
0 - 0

]

Cau 89. [2D3-2] Tinh tich phan [ = ‘[xcos xdx.
1]

A.I1=2. B.I=-2. : T'=0: D.I=1.
Cau 90. [2D3-2] Cho tich phén [ =Iﬂ dx, dat 7=+/143In x . Khing dinh nao sau day diing?
X
1
e 22 22 28
A. f:EJ’r"’dr. B. /== C.71==[rdt. D. /==,
3 3 3 3
3
Cau 91. [2D3-2] Cho tich phan I = j] dx néudat t=+/x+1 thi T 1a
0
2 2 2
A. I=I(:2+r)d:. B. I=I(2r2+2r)dr. C. I=J‘(r2 ~t)d. D, I=J(2x2—2r)dr

1 I I I
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Cau 92.

Céu 93.

Cau %4.

Cau 95.

Cau 96.

Cau 97.

Céu 98.

Céu 99.

Cau 100.

Cau 101.

T

- ¢t tich phan ( éu at 1 =+/1+cosx , ta duoc:
[2D3-2] Xét tich phén 7 = [ 2% Néu dat =1 d

\#l+t.,osx
1 3 N
A.f:j4’ A e B.I=~4I(r:ml)dt C. ;_j_4’ i Y 4j x —1)dx
J2 ! 1 53
5
[2D3-2]Tinh tich phin 7 = J'\f4 sin x+1.cos xdx.
()
A.3—f3, B. 3‘6“1. C. 3‘5". D. 3+4/3.
6 2
[2D3-2] (THPT Quéc Gia 2017) Cho j f(x)dx=12.Tinh I = j £(3x)dx
A. =6 B. [ =36, C.1=2. D. /=4,
[2D3-2] Cho F(x) la mot nguyén ham ctia ham s6 f (x )_ln_x Tinh: I =F(e)-F(1)?
X
Aol B 7=l G I=1, D. I=¢.
2 e
2 4
[2D3-2] Cho [ f(2x)dx=8. Tinh I = [ £ (x)dx
0 1]
A. I=16. B. ] =4. C.1=8. D. ] =24.
2
[2D3-2] Tinh tich phan 7 = [ x(1-x)" dx
|
A. 1=-0,3. B, It C. 7=-0,3095. L
42 13
5 : ‘
[2D3-2] Cho jsin” xcosxdx=a. Khi d6 »n bang
A. 6. B. 5. C. 4. D. 3.

[2D3-2] Cho ham s6 f(x) c6 dao ham, lién tuc trén khoang (a:b) thoa man f (a)= f(b). Két

qua nao sau day la ding?

A. _Tf'(x)e”'t}dx >0. B. if’(x)ef(-‘}dx #0. C. if'(x)c

2
[2D3-2] Tinh tich phan I = sz Jad +1dx.

A IT=——. B.I=—. C.I1=—.
9 9 9

1 4
[2D3-2] Cho [ f(4x)dx=4.Tinh I =[f(x)dx

A. I=8. B.I=1. C.1=4.
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4 2
Cau 102. [2D3-2] Cho [ f (x)dr=16. Tinh tich phan / = [ f(2x)dx.
0 a

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

A. I'=32. B. /=8. C.I=16.

3 3
[2D3-2] Biét [ (3x—1)dx=20. Khi d6 gid tri [ f(x)dx Ia
I 2

A. 20. B. 40. C. 10.

e (\jl+ 3In x)ln X

[2D3-2] Biét ring |
1

x
phan s6 tdi gian. Tinh gid tri biéu thic P=a—b.
A. -19. B. -18. C. 2.

g

6
[2D3-2] Néu [sin” x.cos xdx =6—'4 thi n bang
0
A. 3. B. 4. 5,
4 1
[2D3-2] Cho [ f (x)dx=—1.Khid6 7= [ f(4x)dx bing:
0 0

1 =l

A.I=-—. B.I=-2. C.I=—.

4 4

4 |
[2D3-2] Cho [ £ (x)dx=9. Tinh tich phan I = [ f(3x+1)dx.
I 0

A. I=9. B. I=3. C.I=1.

[2D3-2] Cho ]l f(x)dx=9. Tinh j £(3x)dx

3 3

A. [ f(3x)dx=1. B. [ f(3x)dx=-3. C.if(Sx)dsz.

0 0

D. 60.

dx:%, trong d6 a, b 12 hai sd nguyén duong va % 1a

D. -21.
D. 6

D. 1=‘7]
D. /=27.

3

D. [ f(3x)dx=27.

0

2
[2D3-2] Cho [ =ij4—x2dx vl 1 =+/4—x. Khang dinh nao sau ddy sai?

1
2 |43

NE)
A, [ =48y W C.1=[rdr.
0

2

0

3
1 )
3

J3

0

[2D3-2] Tinh tich phan [ =J2x\-‘x2 —1dx bﬁng cich dit u=x>—1, ménh dé nao dudi day
1

dang?

2 2 3
A. ] =2]J§du. B. I=I\/L7du. [ @ I=j\/;du.
0 I 0

|

[2D3-2] Cho jﬁimﬂ,m'%e, véi a,b 1a cdc 6 hitu ti. Tinh S =a° +b°.

A ke |

A. §=2. B.S=-2. C. §=0.
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Cau 112. [2D3-2] Tinh I = Ix\/e +x*dx duoc két qua:
0

A. (e+e”)We+e’ —eve. B. e’Ve+e’ —ee.
@ %[(e-kez]m—e\@]. D.%(ezx/e-lrez——e\/g).

A
Cau 113. [2D3-2] Két qua phép tinh tich phan I ¢6 dang I =aln3+bIn5 (a,be Z). Khi do
1

-
xv3x+1
a’* +ab+3b*cé gidtri I

A. 4. B.5. G 1 D. 0.

a ijlan.lnx
] %

Cau 114. [2D3-2] Bai toan tich pha dx dwgc mot hoc sinh giai theo ba budce sau:

L E)até“inphu t=Inx+1, suyra dt:lclr vix=l==llx=e=1=2;
X

e

11.f=[

r—— 2
yietling . I\/;(;_ 1)dr .
% 1

X

2
=14+342.

1

1. sz\ﬁ(r—l)dr:(x/r?—%J

Hoc sinh nay giai diing hay sai? Néu sai thi sai & budc nio?
A. Bai gidi ding. B. Sai ¢ buoc I1L C. Sai tur bude 11 D. Sai tir budce 1.

4
Cau 115. [2D3-3] Biét / =j dx=a+bIn2 voi a.b 1asé nguyén. Tinh S=a+b.
0

|
V2x+1-5

A, §=3. B. § =-3. C. S=5. D. S=17.
A , . 0/ (V)
Céu 116. [2D3-3] Cho ham s0 y=f(x) lién tuc trén R thoa man I " dr=4 va
L Nx

i)

3
[ £ (sin x)cos xdv = 2. Tich phan 7= [ f (x)dx biing
0

0

A.f=2. B. 1=6. C.1=4. D. 1 =10.
[i% d.x 2 ;
Cau 117. [2D3-3] Gia st [ = | ————==aln—+b v&i a,b la s6 nguyén. Khi d6 gidtri a—»b la
'!\/;R/E 3
A. -17. B.5. C. -5. D. 17.
(f +x)e"'
Cau 118. [2D3-3]Tinh j—__d.l
x+e "
A. F(x]=xex+l+ln‘xex+l‘+C. B. F(.r)=_rex—ln|xe"'+l|+C.
C. F(x]:xe"'+l—ln‘xe""+1|+C. D. F(x):e"+1+ln|xe"'+1‘+C.
L, Lodx
Cau 119. [2D3-3] Khi doi bién x =\/§ tant, tich phan [ =I 2. tr¢ thanh tich phan nao?
=
1]

T

s z
AT =j\/§d:. B. I =j?dr. C.I=
0 0

2

P
\/§rdr. D. I =J'1dr.
{
0

S e | 3y
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Cau 120.

Cau 121.

Cau 122.

Cau 123.

Cau 124.

Cau 125.

Cau 126.

Cau 127.

Cau 128.

Cau 129.

x

[2D3-3] Gia sir F(x) la mét nguyén ham cua ham $0 f(x}=e— trén khoang (0;+cc) va
X

3 3x B
1 =Jc—d.x . Khing dinh nio sau day I khing dinh diing?
X
1

A.1=F(3)-F(1). B.I=F(6)-F(3). C.I=F(9)-F(3). D.I=F(4)-F(2).

[2D3-3] C6 bao nhiéu sb6 ae (0;20r) sao cho Isins xsin 2xdx =%.

0

A. 20. B. 19. C.9. D. 10.
5 2

[2D3-3] Cho biét [ f(x)dr=15. Tinh gid tri ctia P= [[ f (5-3x)+7|dx
-1 0

A. P=15. B P=37 . €. P=51 . D.P=19.

2
[2D3-3] Biét ijx+ ldx=a3+5+2 . Tinh S =a+b.
1

B.S=E. C.S=—E D.S= I

A §S= : ——,
15 15 15

YN

f3

N

[2D3-3] Biét J.xvxz +ldx=§(a—x/5), vOi a.b Ta cdc sb nguyén dwong. Ménh dé ndo sau
1

ddy ding.
A.a=2b. B.a<bh. G a=b. D. a=3b.

[2D3-3] Cho ham s6 f (x) lién tuc trén [—1;+ ) va

= e b

f(Vx+1)dx=4. Tinh 1= jx-f(x)dx-

A. I=8. B.=4. C. I=16. D.I=2.
[2D3-3] Cho ham s& f(x) ¢6 dao ham trén doan [1;2], f£(2)=2 va f(4)=2018. Tinh

!=jf’(2x)d.x.

A. I =-1008. B. 1 =2018. C. I =1008. D. I =-2018.

2017

1
[2D3-3] Cho ham s6 f(x) thoa | f(x)dx=1.Tinh [ f(2017x)dx.
] ]

£(2017x)dx=2017. B. [ f(2017x)dx=0.

]

_ ' el
f£(2017x)dx=1. D.J'f(201?x)dx_2m7.

0

A.

oA

O ey ey,

b bl
[2D3-3] Cho f 1 ham 6 lién tuc trén [a;b] théa [ £ (x)dx=7. Tinh 1 = [ f (a+b—-x)dx

A I'=T, B. I=a+b-17. C.I=7-a-b. D.I=a+b+7.
n+l
[2D3-3] Giatricua lim j : béng
X—ytoa 3 ]+e-
A. 1. B. 1. C.e. D. 0.
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Cau 130. [2D3-3] Cho ham s6 f (x) lién tuc trén R va j f(x)dx=81. Tinh I = j £(9x)dx.

A. I=3. B. I=81. C.1=27. D. I1=9.

z

1 4
Cau 131. [2D3-3] Néu [f (x)dx=4 thi [ £ (cos2x)sin 4xdx bing:
0 0

A2 B.6. C: B, D. 4.
n+l l .
Cau 132. [2D3-4] Gid tri cua lim I H—‘dx bang
n—toa e
A, -1. B. 1. C. e D. 0.
: — T sin x 2
Céau 133. [2D3-4] C6 bao nhiéu gia tri cia a trong doan [—;2%} thoa man —
5 . 4 '[\£1+3c0<;x N
A, 2, B. 1. C. 4. D. 3.
¢ 2dx :
Cau 134. [2D3-1] Tich phan j3 - =Ina. Gia tri cua a bang
-2x
i}
A1, B. 3. 2. D. 4.
Cau 135. [2D3-1] Tich phan / = [——dx bang
£ Db
3+e
A. In ( 7 J B.In(e-2). C.In(e-7). D. In[4(e+3)].
t2x+3
Céu 136. [2D3-1] Biét I = J dx:aln2+b, (a,be Q).Khi do6: a+2b.
i}
A. 0. B. 2. C. 3. D. 7.
Céau 137. [2D3-1] Tinh tich phén I = I[——Lde.
2 Y
A.I=2e+IE. B.I=21n2-é. C.1=2In2. D.7=0.
= dx R "
Céau 138. [2D3- : =InM. Khi d6, gid tricia M la
e
A. 9. B. 3. C. 81. D. 8.
¢ 3y :
CAu 139. [2D3-1] Tinh J' "~ dx. Két qua la
- s 4|
A. In2. B. In3. C. In5. D. In7.
Céau 140. [2D3-1] =llnb thi a*>+b 1a:
a
A 12, B. 10. £ 2. D. 14.
Cau 141. [2D3-2] Gia st ngdx aln5+bIn3; a,be Q. Tinh P=ab.
X +4x+3
A. P=8. B. P=-6. C. P=—4. D. P=-5.
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. Gid tri cia e* bang?

Cau 142. [2D3-2] Xét tich phan A= j

x+x°
A 12, B.—. C.E. D.E.
3 4 4
1
Cau 143. [2D3-2] Tich phan I = ‘[ ~dx ¢6 gid tri la:
0 (x+I)'
A- _l. B-l. C;l Dal.
8 4 8
. T +x
Ciu 144, [2D3-2] bat [ = dx. Ta cé:
ﬁ[\/x2+l
A. I=(a’ +1)Va>+1-1. B.[=%[(a2+l)\/a2+l+l]
C. I=(a® +1)Va> +1+1. D.l:%[(azﬂ)\fazﬂ—l].
4] vl -
Cau 145. [2D3-2] Giasu I = J‘de=a.ln§+b. Khi d6 gid tri a+2b la:
= X—=
A. 30. B. 40. = atl. D. 60.
Cau 146. [2D3-2] Tinh Két qua 1a
J (1+f)
A. lni. B. ZInE. [ & 31ni. D. 4111&.
3 3 3 3
tx'+2Inx :
Cau 147. [2D3-2] Tinh Jidx Két qua la
X
1
A.E+ln22. B.E—IHZZ. C.l+]n22. D.E+1n2.
2 2 2 2
dx - 2 coxfierl A .
Cau 148. [2D3-2] Biét 1-76:.311112+b1n3, vOi a, b la cac sO nguyén. Tinh S =a+b
X —5x+
A. S=-3. B.S=-2. C. §=l. D. S=0.
3x+2 i i 2 3
CAu 149. [2D3-2] Biét Iildx=aln7+bln3+c voi a, b, ceZ.Tinh T=a+2b"+3c.
L X —XE
AT, B.T'=8. . 7=3. B T'=S.
2
Cau 150. [2D3-2] Biét ITldxz a+Inb.Goi S =2a+b, gidtricua S thudc khoang nao sau day?
&
A. Se€(8:10). B. S€(6:8). C. Se(4:6). D. Se(2:4).
Cau 151. [2D3-2] Biét jildx=3ln3—§, trong d6 a,b 1a hai sd nguyén duong va S on phén
6x+9 b 6 b

50 tdi gian. Tinh ab ta dwoc két qua.
A. ab=-5. B.ab=27. C. ab=6. D. ab=12.
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Cau 152. [2D3-2] Biét j dx=aln(e’ +1)+bIn2+c, véi a,b,c 1 cdc s6 hiru ti. Tinh S =a+b+c.

x 4+ x
KKt | I C §=0, D, S=2,
Cau 153. [2D3-2] Biét [de-alnﬁ—i trong d6 a, b nguyén duong va < 1 phan sb tdi
; e rodv =3Iy~ tong d6 a, b nguy gva — lp

gian. Hay tinh ab .

A. ab=-5. B. ab=%. e ab=12., D. ab=6.
Cau 154, ( —+c Tinh b; ce Z; b#0.
0
A. 5. B. 8. e 75 D. 6.
Céau 155. [2D3-3]Tinh tich phin: I = j' & dugc két qua / =aln3+bIn5.Tong a+b la
1 X 3x+1
A2 B. 3. C. -1. D. 1.
Cau 156. [2D3-3] Biét j L e gD BT, v ub e nguyén. Tinh tong a+b
X +4x+7
bing:
A. 1. B. 1. C.l. D. 0.
2
¥ A 5 b
Cau 157. [2D3-3] Bict rang J 3 dx=aln5+bIn2 (a, be Z). Ménh dé nao sau diy ding?
' X+ 3x
A, a+2b=0. B. 2a—-b=0. C. a-b=0. D. a+b=0.
2(x—2|+1 ;
Céu 158. [2D3-3]Biét [ = IM =4+aln2+bIns5, voi a, b la ciac so nguyén. Tinh S =a—b.
*
A. §=9. B. 5 =1l £ §=3. D. § =-3.
[ 5-2x
Cau 159. [2D3-3]Tinh tich phan [/ =J2—
X +3x+2
A.9In3-16In2. B.16In2-9In3. C.16In2+9In3. D. 9In3—-6In2.
3 d.x .
Cau 160. [2D3-3] Cho Ij—=aln 24+bn3+cIn5 (a,b,c la cidc sO nguyén). Tinh
& 204 B ]
Q=2a+b>+2°.
7 7
A. O=I. B.0=-1. C.Q=§. D.Q=—5.

2x° 2 o g
i.e"dx=£.e"‘ ~Se @ong d6 £, £ phan sé tdi gian). Tinh
(x+1) »° T d b d
F=a* +b*+c* +d*.

A. F =45. B. F =47. C. F =46. D. F =48.

3
Cau 161. [2D3-3] Cho j
1

Cau 162. [2D3-3] Biét j dx=1+aln2+bIn3,(ac Z,be L), tong a+b cb gid tri bang

2 =Tx312
A. 9. B. 41. C.9. D. 7.
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=aln2+bIn3+cln5, v6i ab,c 1A cic so nguyén. Tinh

4
Cau 163, [2D3-3] Biét [=[—;

3 X +Xx
S =a+b+e.
A. §=6. B.5=2. C.§=-2. D. §=0.
5
s 1
Cau 164. [2D3-3] Gia st tich phén [ = | ——=——=dx=a+b.In3+c.In5 (a,b,ce Z) . Liic d6:
g '|[]+\/3x+1
A.a+b+c=i. B.a+b+c=§. C.a+b+c=1. D.a+b+c=§.
3 3 3 3
I 2 _
Céu 165. [2D3-3] Tinh [ = [+ £24=2
oy X +2x —4x-8
A.!=—l—+1n12. B.!z—lv-klné. C.1=1—1n3+21n2.D.1=i—1n§.
6 6 1 6 6 4

n x4l .
Cau 166. [2D3-3] Cho jm lna~g (ae Q). Tinh 2a

2

A3, B.E. C. 6. D.E.
3 2
F vdx
CAu 167. [2D3-3] Biét Im—aln2+bln3+cln5 Tinh S=a+b+c.
x
1
A. 5=1. B. §=0. C.S5=-1. D.§5=2.

5

Cau 168. [2D3-3] Cho tich phan j 3 l

sdx=aln3+bIn2+c voi a, b, ce Q. Tinh S =a+b+c.

S X +X
A G A, & 5, b =
3 6 3 6
2 1 1 5
Cau 169. dxr=————1In2. Tinh a.
2 a+l
A.a=1. B.a=2. C. a=0. D. a=0.
m 2
Cau 170. [2D3-4]Tim tat ca cic s6 thue m duong théa man Ix ] =1In 2—%:
A
A. m=3. B. m=2. s m=1. D. m>3.
V6442
%
Céu 171, [2D3-4] Tinh tich phan | 4““ - 3@:%((; 3+b+crm)+4. Véi a. b, c I cdc sb
|
nguyén. Khi d6 biéu thirc a+b” +¢* ¢6 gid tri béng
A. 20. B. 241. C. 196. D. 48.
T sin xdx .
Céu 172. [2D3-1] Cho tich phéan 7 =I - (voi a>1) thi gid tri cia / bang:
\/1—2&cosx+a'
oy 8 e C. 2a. p. 2.
2 o
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2
Cau 173. [2D3-1] Tinh tich phan I = J'sin2 x.cos xdx.
0

Cau 174. [2D3-2] Cho biét [—S2X  dx=az+bIn2 v&i a va b 12 cic sé hiru ti. Khi d6 % bang:

sin x+cos x

O C— |

A.l. B.g. C.l. Dj
4 8 2 4
Cau 175. [2D3-3] Cho céc tich phan [ = J dx va J =J&dx voi ae[o;zj, khing
* 1+tan x ( COSX +sin x A
dinh sai la:
[/ 4
A. I:JLSJ{_dx. B.1-J =]n|sina+cosa‘
{, COSX +sin x
C. /=In|l+tane|. D. I+J=@:
2
Céu 176. [2D3-3] Cho biét Ixf dx % Tinh tich phan 7 = Jsm 2x. f(sm x)dx
: ¢
At =3, B.1=~. N D. 1=1.
3 2
” : Cos x 4 i L s e g
Cau 177. [2D3-3] Cho z dx=aln—+5b, voi a,b la cdc s6 hiru ti, ¢ >0. Tinh tong
o (sinx)” —5sinx+6 c
S =a+btc:
0 i B. $=4. s 3=, D S=l,

|
Cau 178. [2D3-3]Biét ring jxcoslxdx=%(a sin2+bcos2+c) voi a,b,ce Z.Ménh d& nao sau day 1a ding?
0

A.2a+b+c=-1. B. a+2b+c¢=0. C.a-b+c=0. D.a+b+c=1.
%
Cau 179, [2D3-3] Xét tich phan 7 = | 15'"2*“ &r. 55 Bicvs ST oo il
* J1+cos x

RN J'- 4 —4¢

5 ¢

V2 5]
dr . B.I=J#dt. C.1=4j(r2—l)d1. D. 1=—4\]':2
2 1 1

1
Céau 180. [2D3-1] Biét rang tich phan j (2x+1)e'dx=a+be Vvéi a,be 7, tich ab bang
0
AQI; Bc ]. Co _15. D. 20.
2
Cau 181. [2D3-2] Biét J 2.r +e [.‘br=u.e4 +be’+¢ voi a, b, ¢ 1acécsd hiru ty. Tinh S =a+b+c.
0

Ac S:2. Bc S=_‘4. Co S=—2. D- S:4.
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Cau 182.

Céau 183.

Cau 184.

Cau 185.

Céu 186.

Céu 187.

Cau 188.

Cau 189.

[2D3-2]Tich phén I =j(x—l)ln x dx bang
1

2 2 2
e +3 B.I:e 1 e +1 e -3

A I= ; : s : k
4 -+ 4 4

[2D3-2] bat 1, =Iln£dx. k nguyén duong. Taco I, <e—2 khi:
x
1

A. ke {1;2}. B. ke {2:3}. C. ke {41}. D. ke {3:4}.

[2D3-2] Tich phan I = [x* Inxdx bing:
1

2 3 o 3
A_Ze +3. B_Ze +l_ C.e+1_ D.3€+2.
3 9 4 8

[2D3-2] Cho I = [xe®dx =ae’ +b (a,b I cic sb hiru ty). Khi d6 tong a+b

0

A. 0. B. L. &L )
4 2
[2D3-2] Néu [xe*dr=1 thi gid tri cia @ bing
0
A. 0. B. 1. G2 D. e.

1
[2D3-2] Xét tich phan 1= [(2x* =4)c™'dx. Néu dat u=2x" -4, v'=¢™, ta dugc tich phan
)

1
1 :¢(x)‘:j —j2xe2"dx, trong do:
0
A. p(x)=(2x" —4)e™". B. ¢(x)=(x"-2)e™.
C. d(x)= (x2 —2)3"' : D. ¢(x)= %(212 —4)8".
: |
[2D3-2] Cho tich phan 1 =I(x— 1)sin 2xdx . Tim dang thic ding
0

L
T 4 .

§+J0052xdx. B. I =—(x-1)cos2x—

0

A. I=—(x—1)cos2x cos 2xdx .

O e |

T
4

E—%Icos 2xdx .

.2

4
I!+

Oty = |

€ =—%(.x—1)cos 2x

cos 2xdx. D. I=—%(x—1)0052x

1
2
In2

[2D3-2] Tinh tich phan [ = I xe "dx

A ;:l(i_ﬂ) B. ;:l[ﬁ_ﬂ)
33 2 302 2

C. le[é_ﬂ] D. le[i_MJ,
a\4 2 3\3 3

=
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Cau 190. [2D3-2] Nguyén ham clia ham s§ f (x)=xe’* 1a:

Cau 191.

Céu 192.

Cau 193.

Cau 194.

Cau 195.

Cau 196.

Céu 197.

Cau 198.

Céu 199.

1

A. F(x)=2¢"(x-2)+C. B. F(x]=562"'(x—2)+c.
‘I 2x 1 Ix ]

C. F(x)==¢e (x——J+C. D. F(x)=2e [.x——J+C.
2 2 2

[2D3-2] Tich phan 7 = [ xIn xdx bing:
1

e —1 B.I=e‘-2 e +1 1

A. : ¢ : ;
4 2 4 2

[2D3-2] Tinh tich phan | = J_'x2 In xdx
|

A. §1112—2. B. §1n2—z. C. 24In2-7. D. 81112—1.
3 9 3 3 3

[2D3-2] Tinh [x(1+cosx)dx. Két qua la
0

2 2 2 2

A7 p B, 2 d, LI ) D.%+2.

|

[2D3-2] Tinh I x+sin® x cosxdx Két qua la
0

a0t B2 N’ LA
2 3 33 3 3 2 3
3
[2D3-2] Tinh tich phan r:j(x+1)|n(x—3)d.x?
4
A. 101n2—§ B. 101n2+¥ C.10In2. D. %-101112

[2D3-2] Cho ham s6 G(x)= _[ cos+/tdz . Pao ham ctia ham sé6 G (x) la.

0

A G’(x)=2xcos‘x|. B. G'(x)=2xcosx. C.G'(x)=xcosx. D.G'(x)=2xsinx.

[2D3-2] Néu ch‘dx:l thi gid tri cia a béng

0

A. 0. B. 1. C. 3. D.e.
[2D3-2] Tim nguyén ham [ = [(2x—1)e™dx.

A. I=—(2x+1)e™" +C. B. I =—(2x—1)e™+C.
C.I=—(2x+3)e* +C. D. I=—(2x-3)e™ +C.

4
[2D3-2] Biét j(l +x)cos 2xdx = L % (a, b 1a cdc sb nguyén khdc 0). Gid tri ctia tich ab bang
0 a

A. 32. B. 2. C. 4. D. 12.
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Cau 200.

Céau 201.

Céau 202.

Cau 203.

Cau 204.

Cau 205.

Cau 206.

Cau 207.

Cau 208.

2

[2D3-2] Cho O<a <£ va Ixtanxdx=m. Tinh I=I[ » j dx theo a va m.
2 3 % L COS X
A. I =atana—2m. B. I =—d’tana+m. C.I=a’tana—2m. D.I=a’tana—m.

[2D3-2] Cho tich phan [ =jx2 cosxdx va u=x", dv=cosxdr. Khing dinh nao sau diy
0

ddng?

A. I =x’sinx -ZIxsinxd.x. B. I =#sinx —J.xsin xdx.

0 0 0 0

T

C. I=x’sinx| +

0

T

T
. 3w 4
xsin xdux. D. I =x"sinx +2Ixsmxd.x.
1] ]

& ey 1

1
[2D3-2] Tinh tich phin I = J-3x.ez"dx.
0

2 2 2 2
A.I=3e +3. B.I=Ze +2' C.I=3e +3. D.I:e +2.
16 9 4 3
[2D3-2] Tinh tich phan [ = I Lo xdx.
| X
A.Izl. B.Izl. C.I==, D.Izl.
6 8 3 4

[2D3-3] Cho ham s6 f(x) lién tuc trén R va f(2)=16, jf(x)drzci. Tinh
0

1
I=|xf"(2x)dx.
0
A.13. B. 12. C. 20. D. 7.
1
[2D3-3] Két qua ctia phép tinh tich phan Iln (2x+1)dx dugc biéu dién dang a.In3+b, khi d6
0

gid tri cia tich ab® bang

A, 3. B. E L O D. —E.
2 2

[2D3-3] Cho ham s y=f(x) c6 nguyén ham 1a F(x) trén doan [1;2], F(2)=1 va
2 2

[ F(x)dx=5. Tinh tich phan I = [(x—1)f (x)dx

I I

A. [=-3. B.1=6. C.I=-4. D.I=1.

3
[2D3-3] Biét [In(x’ -3x+2)dx=aln5+bIn2+c, v6i ¢, b,ce Z. Tinh S =ab+c
2

A. S=60. B. S =-23. C. S=12. D.S=-2.
[2D3-3] Gia sir j““"“ de=aln’2+bIn2, véi a, b 1a cdc sé hitu ty. Khi d6, tong 4a+b
X
1
bang:
A. 4, B. 5. 7. D. 9.
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Céu 209. [2D3-3] C6 bao nhiéu sé nguyén duong n sao cho nlnn~jln xdx co6 gid tri khong vuot qua
l

20177
A. 2017. B. 2018. C. 4034. D. 4036.

1
Céu 210. [2D3-3] Két qua tich phan [ = j(zx+3)e-‘dx duge viét du6i dang [ =ae+b voi a, b 1a céc
0
s6 hiru ti. Tim khang dinh ding.
A.a+b'=28. B. a+2b=1. C.a-b=2. D. ab=3.
4
Cau 211. [2D3-3]Tich phan j#cb:= ar+bln2,véi a, b 1acéc s6 thyc. Tinh 16a—8b .
o 1+cos2x

A. 4. B. 5. Lo 2. D. 3.

Cau 212. [2D3-3]Tinh tich phan / = [ xIn® xdx
1

e?—1 C. el +1 D. cz—l.

A. e’ —1. B. ; i
4 4 2

4
Céu 213. [2D3-3] Biét I = jxln (2x+1)dx= %m_c, trong d6 a, b, ¢ 1a cdc s6 nguyén dwong va B
C
0
phan s6 t6i gian. Tinh S =a+b+c.
A. § =60. B. S =70. C. =72 D. S =68.

1
Cau 214. [2D3-3] Tinh gid tri cia K = [ xIn(1+ " )dx.
0

A. K=ln2—l. B.K:an—l. C.K=ln2+l. D.K=—1n2+l.
4 2 2 2

I
Cau 215. [2D3-3] Gia st tich phin Ix.ln(2x+ 1)
0
A. b+c=6057. B. b+c¢=6059. C. b+c=06058. D. b+ c=6056.
Cau 216. [2D3-3] G sit [(2x~1)Inxdr=aln2+b,(abe Q). Khi d6 a+b?

2 b R - I — S—
M dx=gq+-=In3. Véi phan s0 — toi gian. Lic do
c e

A. B. 2. o D.

2|
o | W

. ; . : 3 "
Céu 217. [2D3-3] V6i cédc 6 nguyén a,b thoa man I(2x+ 1)In xdx =a+5+lnb. Tinhtong P=a+b.
1
A. P=27. B. P=28. C. P=60. D. P=61.
1
Céu 218. [2D3-3] Két qua tich phan I =j(2x+3)e-"dx dwoc viét dudi dang [ = ae+b. v6i a,b 1a céc s6
0

hitu ti. Tim khing dinh ding.
A.a—b=2 B.a+b=28. C. ab=3. D. a+2b=1.

Cau 219. [2D3-3] Cho ham s6 f (x)=In’ x. Tinh I = [ g(x)dx, véi g(x) Ia dao ham cdp 2 ctia f (x)
1

A.I=g. B. I=1. C.I=¢-1. D.I=l.
e

€
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e—4
Cau 220. [2D3-3] Tinh K = [ (x+4)In (x+4)dx

Cau 221. [2D3-3] Cho haim s6 g (x)= I Jisintdt xde dinh v6i moi x> 0. Tinh g’(x) dugce két qua

Jx
sin \/; sin \/;
A. g'(x]zxzsin(xz)— \‘E/; ) B. g’(x]=2xzsin(x2)— 2£/; )
sin \/; sin \/;
B2 lx) =0 sin(xz)— {E,; ) I 2 (r)=x sin(.xa)— QE‘/'; )

Cau 222. [2D3-3] Gia st ham s f ¢6 dao ham lién tuc trén doan [0;]] thoa min diéu kién f (1) =0,
1
[’ (x)dx=>5. Khi d6 jf )dx bing:
0
. T | B. —1. . 11, D. 3.

Cau 223. [2D3-2] Tinh tich phan [ = ﬂxz ~3x+2|dx
I

A, I=0. B.I1=2. C.[:l. D.I=E.
6 2
I
Cau 224, [2D3-2] Tich phﬁnj(‘?;x—l|—2|x|)dxbéng
0
Bl ig. L. e D.0.
6 6 6

0
Céu 225. [2D3-2] Cho f(x) la ham sb chan va J' f(x)dx=a. Ménh dé nao sau day diing?

-2
2

A. [ f(x)dx=-a. B. jf Jdx=2a. C. if(x)dx:(]. D. :ff(x)dxz

0

1]
Cau 226. [2D3-2] Cho f(x) laham sé chdn trén R thoa min J f(x)dx=2. Chon ménh dé diing
-3
3 3 3 0

A. [ f(x)dx=2. B. [f(x)dx=4.  C.[f(x)dx=-2. D.[f(x)dx=2.
-3 -3 0 3
2 "—"DI( .
Cau 227. [2D3-2] Tich phén | j —d bing
2
2018 2017 2018
A. 0. B.2 ; @z p. i _.
2017 2017 2018

2
CAu 228. [2D3-3] Cho y = f(x) 12 ham s chin, c6 dao ham trén doan [-6;6]. Biét ring j f(x)dx=8

-1
3 6

va [ f(=2x)dx=3. Tinh [ f(x)dx
1 =3

A. =11, B./=5. C.I1=2. D. /=14,
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1
Cau 229. [2D3-3] Tinh tich phan [ = Ixzm x> +2017dx.
-1

A.0. B.2. C. -2. D.%.
a 2
Cau 230. [2D3-4] Biét _[ ““ ld.x=9,trong d6 ac R . Tinh gid tri clia biéu thirc g,
e+ a
o P, Br=3 L. T=A. O ]
3 2 3

CAu231.[2D3-4] Cho ham sb f(x) lién  tuc  trén R vi théa min

f(x)+ f(=x)=+2+2cos2x, Vxe R.

Tinh = j f(x)dx.

g

A.I=-6. B. /=0. C.I=-2. D. I1=6.
Céu 232. [2D3-2] Cho jf(x)d.x=5. if(:)dr:—z v :fg(u)du :%.Tinh j'[f(x)+g(x)]dx bing:
2 : =] -1
a 510 52, e
Céu 233. [2D3-2] Cho j £(t)dt = x.cos (zx). Tinh gid tri ciia f (4).
0
. I 1 1
A. f(4)=1. B.f(4)=z. C j(4)=—z. D f[4)=5.

Cau 234. [2D3-3] Cho ham s G(x)= J cos+/tdt. Pao ham cia G(x) 1a
}]
A. G'(x) = 2xcos‘x‘. B. G'(x) =2xcosx. C.G'(x)=xcosx. D. G’(x) =2xsinx.
Céu 235. [2D3-4] Cho dd thi cia ba ham 6 y= £ (x), y=f"(x), y=[f(r)d & hinh dusi. Xéc dinh
0

xem (C,), (C,), (C,) tuong tng la dd thi ham sb nao?

X X

Ao y=f'(x),y=F(x),y=] f(r)dr. B. y=f(x),y=[f(e)dt,y=f"(x).

X

C. y=f(x),y=Tf(r)dr,}'=f’(x)- D.y=[f(t)duy=7"(x).y=f(x).

0
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Van dé 3. ’NG DUNG NGUYEN HAM - TiCH PHAN

Dang 1. DIEN TICH HINH PHANG

a) Dién tich hinh phing giéi han boi d6 thi ham sé y = f (x) lién tuc trén doan [a;b] , truc
hoanh va hai duwong thing x=a, x=b:

¥

()

s=flr (v)as

<
Il
=
3
- -t
e
sl
=
5 R e e
o
S

Il
T =

0Ol a cl\_//c? A /T
= i I
I

b) Dién tich hinh phing giéi han béi @b thi ham s6 (C,):y = f,(x), (C,):y=f,(x) lién

tuc trén doan [a;b] va hai dwong thing x =a, x =b:

y
) (€)venl)
I; (H): (sz}:yzfz(x) S=I|f1(x)—fz(x)‘dx
0 - 6 & o Nb 7 0

v Chu y:

b b
v' Néu trén doan [a;b], hamsd f (x) khong doi déu thi: Hf(x)\dx= jf(x)dx

v Ném virng cdch tinh tich phin cia ham sb ¢ chira gid tri tuyét dbi.
v' Dién tich cua hinh phang gi6i han boi cic duong x=g(y), x=/h(y) va hai duong
d

thing y=c, y=d dugc tinh theo cdng thirc: Szﬂg(y)—h(y)‘dy.

&

Dang 1.1: Dién tich hinh phang gi®i han b&i hai dwéng
(C,):y=1(x) va (C,):y=g(x)
A. PHUONG PHAP GIAI

e Giai phuong trinh hoinh dd giao diém cua (C,) va (C,). Phuong trinh nay cho hai
P g 0 g I 2 g y

nghiém x=a, x=>b.(Giastt a<b).
b b
e Dién tich hinh phing can tinh la: S =I|f(x)— g(x)‘dx =‘j[f(x)—- g(x)]dx‘ (dvdt)
b
= Chi §: Khi (C,): y=0 thi 5 = [|f (x)]dx.

a
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B. TOAN MAU

Vidul. Tinh dién tich hinh phang giéi han béi parabol (P):y=x’-3x+2 va dudng thang
d:x+y-2=0.

Vidu 2. Tinh dién tich hinh phing gi¢i han bai dudng cong (C):y= L AL va truc hoanh.
;

C. BAI TAP TU LUYEN

Bai 1. Tinh dién tich hinh phing gi¢i han boi hai duong (B):y=x"—2x va (B,):y=—x"+4x.
Bai 2.  Tinh dién tich hinh phing gi¢i han béi hai dudng: (P):y=x>+2 va d:4—x.
Bai3.  Tinh dién tich hinh phing gi¢i han boi hai dudong: (P):y=x*+2x vad:x—y+2=0.

Bai4.  Tinh dién tich hinh phing gii han boi dudng cong (C): y=x(x—1)" va truc hoanh.

2
Bai 5. Tinh dién tich hinh phang gigi han boi dudng cong (C): y = i o EN truc hoanh.
x

Bai 6.  Tinh dién tich hinh phing gi¢i han béi dudmg cong (C):y=(x—2)Inx vatryc Ox.

Bai 7.  Tinh dién tich hinh phing gi6i han boi duong cong (C): y=xVx+1 va truc hoanh.
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Dang 1.2: Dién tich hinh phang giéi han béi hai dwéng
(C,):x=1f(y) va (C,):x=g(y)

A. PHUONG PHAP GIAI

e Giai phuong trinh tung do giao diém cta (C,) va (C,). Phuong trinh nay cho hai

nghiém y=a, y=b.(Giasu a<b).

b
e Dién tich hinh phing can tinh la: S = j| F()-g(y)dy= (dvdt)

[[F ()-8 ()]

B. TOAN MAU

Vidu3. Tinh dién tich hinh phang gi6i han boi parabol (P):y’—x—y=0 va dudng thang
d:x=2y+2=0.

C. BAI TAP TU LUYEN

Bai8.  Tinh dién tich hinh phing gi¢i han boi hai dudng: (P):y*+x-5=0 vad:x+y-3=0.
Bai9.  Tinh dién tich hinh phang gi¢i han béi hai dudng: (P): y* =2y+x=0 va d:x+y=0.
Bai 10. Tinh dién tich hinh phéng gi6i han boi hai dudng: (P):y'=2x+1=0 vad:y=x-1.

Bai 11.  Tinh dién tich hinh phing gi¢i han béi hai duong: (C):y=x" va (P):y* =x.
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Dang 1.3: Dién tich hinh phang giéi han béi hai dwéng
(C,):y=1(x), (C,):y=g(x) va dwdng thing x =a

A. PHUONG PHAP GIAI

Gidi phuong trinh tung d¢ giao diém cia (C,) va (C,). Phuong trinh nay cho mot

nghiém x=». (Giasu a<b).

b
Dién tich hinh phang can tinh la: § = _”f(x) -g (x)‘dx =

j[f (x)-¢ (x}]dx‘ (dvdt)

B. TOAN MAU

Vi dy 4.

Tinh dién tich hinh phing gii han boi duong cong (C): y= : va hai tryc toa do.
x+

Vi du 5.

Tinh dién tich hinh phing gii han boi duong cong (C):y=Inx, truc hoanh va duong thang

X=c.

C. BAI TAP T LUYEN

Bai 12.

Bai 13.

Bai 14.

Bai 15.

Tinh dién tich hinh phfmg gioi han boi duong cong (C): y= a va hai truc t9a do.

x+1

Tinh dién tich hinh phéng gi6i han boi dwong cong (C):y=e" va hai duong thang y=1,
x=1.

Tinh dién tich hinh phang gi¢i han béi hai duong cong (C,):y=e", (C,):y=e" va dudng
thing x=1.

Tinh dién tich hinh phing giéi han boi dudng cong (C): y=(x—1)e" va hai truc toa do.
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Dang 1.4: Dién tich hinh phang giéi han béi hai dwéng
(C,):x=1(y), (C,):x=g(y) va dwdng thing y=b

A. PHUONG PHAP GIAI

e Giai phuong trinh tung do giao diém ctia (C,) va (C,). Phuong trinh nay cho hai
nghiém y=»b. (Giastr a<b).

b
e Dién tich hinh phing can tinh la: § = j| F(y)-g(y)dy= (dvdt)

j.[f(.")*g (;)J dy

B. TOAN MAU

Vidu 6. Tinh dién tich hinh phing gidi han boi duong cong (P):x=y*+1 va hai duong thang
x=2y=0, y=0.

C. BAI TAP TU LUYEN

Bai 16. Tinh dién tich hinh phing gi¢i han boi parabol (P):y2=2x va hai duong thing
2x+2y+1=0, y=0.

Bai 17. Tinh dién tich hinh phang giéi han béi duong cong (C):y=+/x va hai dudng thang
x+y-2=0, y=0.
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Dang 1.5: Dién tich hinh phang giéi han béi hai dwéng
(C,):y=1(x), (C,):y=g(x) va hai dwong thdng x=a, y=b (a<
b)

A. PHUONG PHAP GIAI

b
< Di¢n tich can tinh Ia § = [|f (x)- g (x)|dx (dvdy)

* Néu phuong trinh f(x)= g (x) vé nghiém trén [a;b] thi

b

[[f(x)-g(x)]ar

a

b
S=I|f(x)—g(x)‘dx=
e Néu phuong trinh f (x)=g(x) c6 nghiém x=c trén [a;b] thi

j[f(X)-g(x)]dx j[f(x)-g(x)]dX‘

+

$ =[] (¥)-g (]dr=

B. TOAN MAU

Vidu 7. Tinh dién tich hinh phing gi¢i han boi hai dwong (P): y=x’—x+1, d:y=x-3 va hai duong
thing x=1, x=2.

Vidu8. Tinh dién tich hinh phing gi6i han boi parabol (P):y= x* —4x+3, truc hoanh va hai dudng
thing x=0, x=2.
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C. BAI TAP TY LUYEN

Bai 18.

Bai 19.

Bai 20.

Bai 21.

Bai 22.

Tinh dién tich hinh phang gidi han béi hai parabol (B):y=2x>=2x, (B):y=x"+3x—6 va
hai duong thing x =0, x=4.

Tinh dién tich hinh phing gi¢i han boi hai dwong (C):y=e', d: y=-2 va hai duong thing
x=0, x=1.

Tinh dién tich hinh phing gi6i han boi hai duwong (C): y=sin’x, d:y=2 va hai dudng thang

x=0, x"—"z.
2

Tinh dién tich hinh phing gidi han boi hai duong (C):y=x", d:y=0 va hai duong thing

x=0, x=1.
Tinh dién tich hinh phang gi¢i han bdi hai dudng (C):y=Inx,d:y=0 va hai duong thang

XxX=—,x=e.
e

Dang 1.6: Dung d6 thi dé tinh dién tich
A. PHUONG PHAP GIAI

Y

Bai toan 1: Dién tich hinh phang gi¢i han
boi (C,):y=f(x), (C,):y=g(x) va hai

duong thfmg x=a, x=b (a<b) dugc xac

dinh cong thirc |S = [[ f(x)-g(x)]dx|.

(Lffy trén triv duwdor)

Bai todn 2: Dién tich hinh phing gidi han
boi (C,):x=f(y), (C,):x=g(y) va hai
dudng thang y=a, y=b (a<b) duge xic

dinh cong thirc S=i[f(y)—g(y):|dy.

(Ldy phdi trir trdi)

Bai toan 3: Dién tich hinh phing gidi han
boi (C):y=f(x), (C,):y=g(x) va
(C;):y=h(x).

Phwong phap:

e Budc 1: Lan lwot v& tim giao diém cua

(C), (C,) va (G).

e Budc 2: Phan chia hinh ban diu thanh céc

hinh nho nhu ¢ bai toan 1 hoac bai toan 2.

525,45, = ([ £ (+)=h(x) Jax+ [ [ £ (x)=h(x)]
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B. TOAN MAU

x+1_
x—2"

a) Khdo st sy bién thién vi v& d6 thi (C) ctia ham s6 da cho.

Vidu9. Chohamsb: y=

b) Tinh dién tich hinh phang gi¢i han boi (C), duong tiém cdn ngang va hai dudng thang
x=3,x=4.

¢) Tinh dién tich hinh phing gi¢i han béi (C), Ox, Oy va dudng thing x=-3.

d) Tinh dién tich hinh phing gi6i han boi (C), duong tiém cin ngang, Ox, Oy va duong thang

x=-3.
e) Tinh dién tich hinh phang giéi han boi (C), dudng tiém cin ding va hai dudng thang
y=2, y=4.
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Vi du 10. Tinh dién tich hinh phing gi¢i han boi (P): y=x>—4x+5 va hai tiép tuyén cta (P) tai cic

diém A(1:2) va B(4;5) ndm trén parabol,

C. BAI TAP TU LUYEN

Bai 23.

Bai 24.

Bai 25.

Cho ham s6 y=2x*—3x+1.
a) Khéo st su bién thién va v& dé thi (C ) cua ham s6 da cho.

b) Tinh dién tich hinh phang gi6i han bai (C) va dwong thang y=3.

Cho ham s6 y=x"-3x" +2.

a) Khao sdt su bién thién va v& dé thi (C) ctia ham s6 da cho.
b) Tinh dién tich hinh phéng €101 han boi [C) va truc hoanh.
1-2%

x+1

a) Khdo st sy bién thién va v& dé thj (C) cua ham sé da cho.

Cho ham sb y =

b) Tinh dién tich hinh phing gi6i han boi (C), Ox, Oy va duong thang x=2.
¢) Tinh dién tich hinh phang giai han boi (C), truc tung va hai duong thang y=-5, y=-3.
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Dang 2. THE TiCH
Dang 2.1: Thé tich vat thé
A. PHUONG PHAP GIAI

Goi B 1a phan vat thé gi6i han boi hai mat phing (P) va (Q) cling vuéng géc véi truc
Ox tai cdc diém a va b; S(x) la dién tich thiét dién ciia vat thé bi cit boi mat phing
vudng gée vai true Ox tai diém x , (a<x<b). Gia sir S(x) 1a ham sé lién tuc trén doan

[a;b].

B. TOAN MAU

Vi du 11. Tinh thé tich vat thé ¢6 ddy 12 mét tam gide cho boi y=x, y=0 vd x=1. Mdi thiét dién
vudng goc vai truc Ox la mt hinh vudng.

&

Vi du 12. Tinh thé tich vat thé c6 ddy la mot hinh tron gigi han bai x* + y* =1. Moi thiét dién vuong goc

voi truc Ox 1a mgt hinh vuong.
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Vi du 13. Cho hai mat tru ¢6 cung bédn kinh

bing 4 dugc dat Iong vao nhau
nhu hinh v&. Tinh thé tich phan
chung cua chiing biét hai truc cua

hai mét try vudng géc va cit nhau.

C. BAI TAP TU LUYEN

Bai 26.

Bai 27.

Bai 28.

Mot khudn vién dang nira hinh tron ¢6 dudng kinh bang 45 (m).

Trén do nguoi thiét ké hai phé“m dé trfing hoa c6 dang cua mot A ;
canh hoa hinh parabol c6 dinh trung vai tam ntra hinh tron ! '
va hai ddu mit cia cnh hoa nam trén nira dudng tron
(phz:in t0 mau), cich nhau mot khoang béng 4 (m), phz"in
con lai cua khudn vién (phan khéng t6 mau) danh dé
trong c6 Nhat Ban. Biét cdc kich thude cho nhu hinh v@
va kinh phf dé trong c6 Nhat Ban 1a 100.000 dong/m’. Hoi can bao nhiéu tién dé tréng co Nhat
Ban trén phan dat d6? (S6 tién duoc lam trdon dén hang nghin)

i
i
i i
¥ ¥

Tinh thé tich ctia phan vét thé giéi han bdi hai mat phing x=0 va x=3, biét ring thiét dién
clia vat thé bi cit boi mat phang vudng géc véi truc Ox tai diém ¢6 hoanh @6 x (0<x<3) Ia
mot hinh chir nhat c6 hai kich thuwde 14 x va 24/9—x7 .

Tinh thé tich ciia phin vat thé gi¢i han boi hai mat phing x=—-1 vd x=1, biét ring thiét dién
ctia vat thé b cit boi mat phang vudng gée véi truc Ox tai diém c6 hoanh dd x (-1<x<1) I

mot hinh vudng canh 1a 24/1-x" .
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Dang 2.2: Thé tich khéi tron xoay

A. PHUONG PHAP GIAI

yv=0 x=a, x=b (a<b)quanh truc Ox:

y=1(x)

Bai toan 1: Thé tich khdi tron xoay khi quay hinh phing giéi han boi cic duong y= f(x),

y=0

X xX=a

|4 =xjr[f(x)]2dx

x=b

v=a, y=b (a<b)quanh truc Oy:

}_.'

Bai todn 2: Thé tich khoi tron xoay khi quay hinh phing gi¢i han boi cdc duong x=g(y), x=0

4 =!ri[g(y)]2dy

y

A—{a=/() 3 =1(x)
——— )?2=g(x)
y, =g(x) _
¥=a
0 7l b X x=b

y
a b R nw=r(x)
O x v,=g(x)
y=r(%) .
—_— i=a
N L~ -
~——"7, = ¢() x=b

| x:g(y)
i X—g(}') x=0
I|_ }J:a
i e e y=a y 93
0] X

Bai toan 3: Thé tich khdi tron xoay khi quay hinh phing gi6i han boi cic dwong y, = f(x),

v, =g(x), x=a, x=b (véi a<b va 0<y, <y, Vxe[a;b]) quanh truc Ox:

dx

v=afls )] ~Le()]

Bai toan 4: Thé tich khdi tron xoay khi quay hinh phing giéi han boi cic duong y, = f(x),

v,=g(x), x=a, x=b (véi a<b va y, <y <0,Vxe [a:b]) quanh truc Ox:

v =7ch [e()] =[f ()] |ax
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Bai toan 5: Thé tich khbi tron xoay khi quay hinh phing gigi han boi cic dwong x=f(y),

x,=g(y), y=a, y=b (v6i a<b va 0<x, < x,,Vye[a;h]) quanh tryc Oy:

y
- > X =f(y)
x=1(y) ;z;g(y) V=x [f(y)]z—[g(y)]2|dy
b i =b
sz = (Y) ’

Bai todn 6: Thé tich khdi tron xoay khi quay hinh phang gi6i han boi cdc duong x, = f(y),
x,=g(y), y=a, y=b (v6i a<b va x,<x, <0,Vye [a;b]) quanh truc Oy:

r—t i . 4 =f(}’)
x=g(y) f:ag(y) V=JF”[§(J’}]2_[f(J’)T dy
\ b ' =b
Y J

B. TOAN MAU

Vi du 14. Cho mién D dugc gidi han bai hai duong: x* +y—5=0, x+y=3=0. Tinh thé tich khéi tron

xoay dugc tao nén do D quay quanh truc Ox .

Vidu 15. Cho mién D duoc gidi han boi cde dudng: y=+/x, y=2—x, y=0. Tinh thé tich khéi tron
xoay dugc tao nén do D quay quanh truc Oy .
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C. BAI TAP TY LUYEN

Bai 29.

Bai 30.

Bai 31.

Bai 32.

Bai 33.

Cho mién D duoc gidi han boi hai dudng y=(x—2)" vd y =4 . Tinh thé tich khdi tron xoay

dugc tao néndo D quay quanh: a) Truc Ox b) Truc Oy .

Cho mién D dugc giGi han boi hai duong y=4—-x", y=x"+2. Tinh thé tich khi tron xoay
duoc tao nén do D quay quanh truc Ox .
Cho mién D dugc gidi han boi cdc duong y =2x" v y=2x+4. Tinh thé tich khdi tron xoay
duoc tao nén do D quay quanh truc Ox .

1
Cho mién D dwoc gi6i han boi cdc duong y = x?e?, x=1, x=2. Tinh thé tich khdi tron xoay

=

dugc tao nén do D quay quanh truc Ox .

Cho mién D dugc gidi han boi cic dudng y=xInx, y=0, x=1, x=e. Tinh thé tich khdi

tron xoay dugc tao nén do D quay quanh truc Ox .

Dang 3. UNG DUNG TICH PHAN PE TIM KHOANG PON
PIEU CUA HAM SO TU PO PHAC HOA PO THI CUA HAM SO

A. PHUONG PHAP GIAI

Xem dang 3 van dé 2: TICH PHAN.

B. TOAN MAU

Vidu 16. Néu f 1a ham sb c6 d6 thi dugc biéu dién trong

Bl T
e : 9 y=f(1)—
hinh bén dudi va g (x)=| f(r)dz.
! AN
a) Tim cdc gid tri ¢(0), 2(1). (2), &(3). T 5 K i T
g(4) va g(5).
b) Du doén su bién thién ctia him s g.
¢) Phéc hoa d6 thi g .
¥
o x
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Vidu17. Cho g(x)= [/ (¢)dr. trong d6 f I ham sé ma dd thi cua
0

né duoc biéu dién nhu hinh bén.

a) Tim g(x) voi x=0,1,2,3,4,5,6. 1

b) Udc tinh g(7).

¢) g ¢6 gid tri 16n nhit & dau? Gid tri nho nhat & dau? |

d) Phdc hoa db thj cia g .

7

Vi du 18. Cho ham s6 y = f (x) ¢6 dao ham f’(x) trén R
va db thi ctia ham sé f”(x) cat truc hoanh tai diém
a,b,c,d (hinhbén).
Sosdnh f(a), f(b), f(c), f(d).

‘_,.--"\-z
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C. BAI TAP TY LUYEN

Bai34. Cho g(x)=[f(z)dr, trong d6 f 1a hamsé 7
0 I
ma d6 thi ciia né dugc biéu dién nhu hinh bén. L YA
a) Tinh g(0), g(1), &(2), &(3) va g(6). | !
b) g c6 gid tri l6n nhét & dau? Gid tri nho nhét & dau? 0Of 1 NERV.E
¢) Phac hoa d6 thi ctia g .

Bai35. Chohamsé y= f(x) c6dothi y=f'(x) cit -

truc Ox taiba diém c6 hoanh do a<b<c nhur

hinh vé bén.

Sosanh f(a), f(b), f(c).

Dang 4. SU DUNG TICH PHAN TRONG
CHUNG MINH PANG THUC CUA C*

A. PHUONG PHAP GIAI

<% Cong thirc khai trién nhi thirc Newton:
(a+b)" =) Cla"™"b* =Cla"+Cla"'b' +..+ Cra"*b" +...+ C)ab™" + C}b"
k=0

(a=b)" =(-1)" Y Cta"*b* =CPa" = Cla™'p' +...4+(=1)' Cta™"b* +...+(-1)" Cb"

k=0

0<k<n); |C =C=1

 Tinh chit: [C* =C"*| (O<k<n); |[CT'+C =C*

n+l
Phuong phap:
e Viét khai trién Newton ctia (ax+5)

n

* Lay nguyén ham/ tich phin 2 vé theo can thich hop.

e Chon gid tri x sao cho thay vio ta dwrge dang thic phai chirng minh.

B. TOAN MAU

Vidu 19. Cho ne N va n>2.

1
a) Tinh !=‘[x3(l+x3)n dx. b) Chimg minh: %Cf+%€j +%C,f+...+
0

] "_2”+l‘_‘]
(n+1) " 3(n+1)

|5}
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Vidu 20. Cho ne N va n>2.

I n+
a) Tinh / =J)c2 (1+2°) dr. b) Ching minh: leleC,]r +1C”2+...+ 1 "= “atel
. 3 6 9 3(n+1) 3(n+1)
C. BAI TAP TU LUYEN
) , —l n+l
Bai 36. Cho ne N . Chung minh lC,[r —lCn’ +...+( ) C =
2 3 n+l n+l1
" ) Y 14 {—1}
Bai 37. Cho ne N . Chirng minh 2Cf —1.22(?,'1 +l.23Cf —...~1~u.2”“C';,I =¥
2 3 n+l n+l
5. L - - ] 0 ] | 1 2 (_]‘)” nl " ]
Bai 38. Cho ne N . Chimg minh —C, ——C, +-C, —...+ 2"C =
2 4 6 n+1 2(n+1)
o R i ¥ ¥ 1 1 1 2 1 3 l n 2n+1 _‘1
Bai 39. Cho n la sé nguyén duong. Ching minh 1+—-C, +-C, +—C, +..+ C =
2 3 4 n+1 n+1
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Dang 5. SU DUNG TICH PHAN TRONG
BAI TOAN CHUYEN PONG

A. PHUONG PHAP GIAI

’0

e

!

Méi lién h¢ giira quéng dudng, vin tbe va gia toc:
Cho mot chat diém chuyén dong véi quang dudng 1a mot ham s6 theo bién sé thi gian

t 1a s(r). Khi do:
v Van tbe cita chit diém 1a v (1) =s'(r) = s () = [v(r)dr
v Gia tdc cia chat diém I a(r)=1'(r) = v(¢) = [a(r)dr.
Nhiic lai mdt s6 kién thire Vat Ii:
v' Chuyén dong thang déu:
e Phuong trinh chuyén dong: x = Xy + vt
* Trong d6: x, la toa do ba déu lic r=0, x latoadd & thoi diém 7, v 1a van tdc, ¢
la thoi gian.

v Chuyén dong thang bién doi déu:

. Chuyen dong thang bién doi déu bao gom: chuyén dong thang nhanh dan déu va
chuyén dong thang cham dan déu.

e Vintoc v=v,+at

; i I,
Quang duong di dugc s = vt + Ear' ;

, 1
Phuong trinh chuyén dong x = x, + vt +Em‘2

Cong thirc doc lap voi thoi gian v* —vg =2as
v Chuyén dong roi tur do:
. Chuyen dong thang bién d6i déu bao gom: chuyén dong thang nhanh dan déu va
chuyen dong thing chdm dan déu.
* Van toc v= gt

b A * ]. )
® Quang duong vt roi dugc s = 5 gt”

* Cong thirc doc 1ap voi thoi gian v* =2gs

Phwong phap:

v' Xdc dinh ky ban chat chuyén dong la chuyén dong thang déu, bién doi déu, .

v Xic dinh mdc thoi gian cia chuyén dong.

A Su dung cong thic thich hop.

v Doi véi bai todn lién quan dén van toc, gia toc 16n nhat thi ching ta c¢6 thé dung:
parabol, bt dang thirc Co-si, khao st ham s6.

B. TOAN MAU

Vi du 21.

Mot 6td dang chay véi van te 10 m/s thi ngwoi 14i dap phanh, tir thoi diém do, 6t6 chuyén

dong cham dan déu véi van toc v(r)=—5t+10(m/s), trong d6 ¢ tinh bang gidy, ké tir lic bat

diu dap phanh. Hoi tir ldc dap phanh dén khi dirng hdn, 6td d6 con di chuyén bao nhiéu mét?

File word lién hé: toanhocbactrungnam@ egmail.com

MS: GT12-C3




GV. TRAN QUOC NGHIA - suu t4m va bién tap 19

Vi du 22. Mot vy chuyén dong véi van tde 10 m/s thi ting toc voi gia tde duge tinh theo thoi gian 1 1

a(t)=3t+1*. Tinh quang dudng vat di duge trong khoang 10's ké tir khi bat dau ting tdc.

Vi du 23. Mét vién dan duoc ban 1én troi véi van toe [a 72 m/s bat du tir d@6 cao 2 m. Hay xdc dinh

chiéu cao cua vién dan sau thoi gian 5s ké tir lic ban.

C. BAI TAP TU LUYEN

Bai 41.

Bai 42.

Bai 43.

Bai 44.

Mot vat chuyén dong cham dan voi van the v(1)=160-107 (m/s) . Hoi ring trong 3 trude
khi dirng han vét di chuyén dugc bao nhiéu mét?
: N . 3 B - e

Mot vat chuyen dong véi gia toc a(r) = —I(mf‘s”) .Van toc ban dau cua vat 1a 6 m/s . Hoi van
t+

tbc cua vat tai gidy thir 10 bang bao nhiéu?

Mot xe & t6 chuyén dong véi van tdc tai gidy thir t [a v(r) =47 +2¢+3(m/s). Hoi xe da di

dwoc quang duong 14 bao nhiéu ké tir lic bat dau (1=0) cho dén liic 1 =5s..

Vin téc chuyén dong cua mdy bay 1a v(r) =3¢’ +5(m/s). Tinh quang duong mdy bay di dugc

tir gidy thtr 4 dén gidy thi 10.

£’ +4
t+3

Mot vat chuyén dong véi van toe v(t)=1,2+ (m/s). Quing duong di dugc cta vat dé

trong 4s dau tién bang bao nhidu?

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




TAI LIEU

HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG

20

Dang 6. SU DUNG TICH PHAN TRONG
TINH CONG CUA LUC TAC DUNG

A. PHUONG PHAP GIAI

Néu mot Iye khong doi F tic dung 1én vat M doc theo mot khoang cédch (do doi) d
thi cobng W sinh ra trong qua trinh dich chuyén bing tich cua luc F va do dai khoang
cich d ma no da tac dung, ta c6 cong thirc
W=Fd

trong do, luc F duoc hiéu 1a tdc dung doc theo huong (phuong) chuyén dong.
Dinh nghia trén ludn ding khi lyc F khéng doi. Tuy nhién, nhiéu truong hop luc F
bién thién trong sudt qud trinh thuc hién cong. Trong céc tinh hudng nhu vy, nguoi ta
thudng chia qu4 trinh nay thinh nhiéu phin nho va tinh cong toan phén nhd 1y tong cdc
cong twong tmg véi cdc phan duge chia (dwoc tinh nhd phép tinh tich phan).
Gia su f (x) la luc tac dung Ién vat tai vi tri x, duong di cua lyc tac dung (quy dao cua
vat dugce tac dung lyc) twong ung vai truc toa do Ox . Khi do, cdng toan phﬁn sinh ra
trong ca qué trinh chuyén dong ctia vat tir vitri x=a dén vitri x=5 1a:

W=Tf(x)dx

B. TOAN MAU

Vi dy 24.

Mot Tuc 40 N can thiét dé kéo cang mot chiée 10 xo ¢6 dg dai ty nhién tir 10cm dén 15 cm.

Hay tinh cong sinh ra khi kéo 10 xo tir ¢ dai tir 15 cm dén 18 cm.

C. BAI TAP TU LUYEN

Bai 45.

Nguoi the ho ndng moét x6 nuwde biri l1én cao 20 m voi toc do co dinh. Cho trong hrong cua x6

la 3N, trong lugng ban dau cua nudc la 2 N . Biét rang x6 nudc bi ri nén lugng nude trong x6

s& chay ra vai tbe do khong doi trong thoi gian ning x6 nude 1én. Nguoi ta ude tinh ring luong

nude trong xo s& thay doi theo do thi ham sé f (x) = —-%x-& 2. Hoi ngudi thg hd da ding mot

cong 1a bao nhi€u dé ning x6 nudc lén cao 20 m, vai gia su rang bo qua trong lugng sgi day?
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Dang 7. SU DUNG TICH PHAN TRONG BAI
TOAN TANG TRUONG VA PHAT TRIEN

A. PHUONG PHAP GIAI

e Cho ham s f(x) biéu dién cho su tang (hay giam) ) lugng cuia mot ddi tuong nao dé
(36 nguoi, vi khuén, vi trung, lrgng nudc chay, ...).
e Giatri f (x) 1a sb lrong cua dbi tugng do tai thoi diém x.

* Dao ham f’(x) chinh Ia toc d¢ tang (hay gidm) clia d6i twgng d6 tai thoi diém x.

b
e S6 lugng tang thém (hodc giam di) cua dbi twong trong khoang xe [a:p] 1a If (x)dx.

B. TOAN MAU

Vi du 25. Mot nghién ciru chi ra ring sau x thang ke tir biy gio, dan s6 cua thanh pho A s ting vdi toc
do v(x)=10+2V2x+1 (nguoi/thing). Din s6 cua thanh phé- s€ tang thém bao nhiéu trong 4
thang toi.

Vi du 26. Téc do thay d6i cua so luong nguoi V ( tinh b'fmg ngan nguoi ) tham gia cong tac tinh nguyén &
nréc My tr nim 2000 dén nam 2006 c¢6 thé dwoc md hinh béi ham sb
V(t)=119,85t* —30e' +37,26e™ véi t la nam (+=0 Gng véi nam 2000). Hoi s6 lugng ngudi
tham gia tinh nguyén trong giai doan trén tang lén hay giam di voi s6 lwong bao nhiéu. (Ngucﬁn:
Cuc thong ké lao dong nurde Myp).
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Vidu27. Toc dd phdt trién cta s6 luong vi khuan trong hd boi dugc md hinh boi ham so

1000 " T NS, TR i
—————, t20, trong d6 B(r) la s0 lugng vi khudn trén moi ml nude tai ngay thir 7.
(1+0,3¢)
S6 lwong vi khuin ban du 1a 500 con trén mdi ml nude. Biét ring mirc d6 an toan cho nguvi
sit dung ho boi Ia s6 vi khuan phai dudi 3000 con trén mdi ml nude. Hoi sau bao nhiéu ngay
thi ngudi ta phai xir 1f va thay nudéc méi cho hé boi.

B (1)=

C. BAI TAP TU LUYEN

Bai 46.

Bai 47.

Tbc do tang cac cap doi két hon ( don vi tinh: triéu nguoi ) cia nude My tir nam 1970 dén nim
2005 c6 thé duge md hinh boi ham sé f(¢) =1,218t> —44,72t +709,1 véi t Ia nam (=0 tng

véi nam 1970) . S6 lugng cip doi két hon vao nam 2005 1 59513 ngan ngudi.
a) Tim mot md hinh biéu thi cho s6 lrong céc cap doi két hon cia nude My.
b) Str dung md hinh d6 dé du dodn s6 lugng cdc cap d6i két hon ctia nude My vao nam 2012.

Két qua cua ban li¢u c6 hop 1i? Giai thich vi sao?

Mot hd nude bi 6 nhidm duge xir Iy bing mot chat diét khudn. Te d phat trién cua sé lwong
3000 i o A . 2
—————, t20 v6i B(t) l1a s6 lugng vi khuan

vi khuan song sét dugc md hinh boi B'(t) = ( )
1+0,2t)

trén mdi ml nude 1a t Ia s6 ngay tinh tir khi hé nuée duge xw ly. Biét s6 ugng vi khuan ban dau
la 10000 con/ml nudc. Str dung md hinh nay xdc dinh sé lugng vi khuan sau 5 ngay. Liéu sb

lugng vi khuén c6 thé vuot 2000 con/ml nudc.
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BAI TAP TONG HOP VAN PE 3

Bai 48.

Bai 49.

Tinh thé tich cdc khoi tron xoay khi quay hinh phang xéc dinh béi:

a) y=2-x", y=1, quay quanh truc Ox

b) y=2x-x’, y=x, quay quanh truc Ox

¢) y=x"+1, x=0 vatiép tuyén véi y=x"+1 tai (1;2), quanh truc Ox
d) y=Inx, y=0, x=e, quanh truc Oy.

e) y=x'+x-5, x+y—-3=0, quay quanh truc Ox.

f) y=\f;, y=-x, x=3, quay quanh truc Ox.

g) y=(x—2)", y=4, quay quanh truc Ox.

h) y=4—x*, y=x"+2, quay quanh truc Ox.

Tp—_ }'=x—, quay quanh tryc Ox.
x +1 2

j) y=2x’, y=2x+4, quay quanh truc Ox.

i y=

k) y=y’=4x, y=ux, quay quanh truc Ox.
1 x
) y=x%e?; y=0; x=1; x=2, quay quanh truc Ox.

m)y=xe-j, y=0, x=0, x=1, quay quanh tryc Ox .
n) y=xlnx; y=0; x=1; x=e, quay quanh truc Ox.

o) y=lnxz vy=0z =12 x=2,quayquanhm,lc Ox .

p) y:x,/ln(Hx“); y=0; x=1, quay quanh tryc Ox .

q) y=sinx, y=0, x=0, x:%,quay quanh truc Ox .

T
1) y=cosx, y=0, x=0, x=z,quay quanh truc Ox.
s) y=sin®x, y=0, x=0, x=7, quay quanh truc Ox.

) y=0, y:xfc056x+sinﬁx, x=0, x=%,quayquanh truc Ox .

u) y=0, y=+1+cos* x+sin*x, x=0, x=%,quay quanh truc Ox .

; /4
v) y=0, y=+/cos’ x+xsinx, x=0, X:E’ quay quanh truc Ox.

Tinh thé tich cdc khdi tron xoay khi quay hinh phing xéc dinh boi:
a) y=42x+1, x=0, y=3, quay quanh tryc Oy,
b) y=Inx, y=0, x=e, quanh truc Oy.

¢) y=\/{;, y=2-x, y=0, quay quanh truc Oy.
d) y=(x-2)

: , y=4, quay quanh truc Oy .

i
P

e) );:x?, y=2, y=4, x=0, quay quanh truc Oy .

[a—

f) y=—x, y=x, y=2, quay quanh tryc Oy.

(%)
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Bai 50.

Bai 51.

Bai 52.

Bai 53.

Bai 54.

Bai 55.

Bai 56.

Bai 57.

Bai 58.

Tinh thé tich cta phan vat thé gi¢i han boi hai mat phang x=0 va x =7, biét ring thiét dién

cua vat thé bi cat boi mit phfing vuong géc voi truc Ox tai diém c6 hoanh do x (0 <x< Jr) la

mdt tam gidc déu canh Ia 2+/sinx .

2—x° khi —+v2<x<I
Goi (€) 1ado thiciahamso y = f(x) choboi y=f(x)=1,2 s,

———43 khi I<x
2 2
Tinh dién tich hinh phiang gi¢i han boi (C) va truc Ox
x  khi 0<x<I
Cho ham s6 y = f(x) xdc dinh trén [0;3], cho bdi qui tic y= f(x)= khi 1<x<2
3—x khi 2<x<

a) V& dd thi ciahamsd y= f(x).
b) Tinh di¢n tich hinh (H ) chén bai do thi ham s y = f(x) vatuc Ox.

¢) Tinh thé tich khoi tron xoay khi quay (H ) quanh truc Ox .

Cho ham s6 y = f(x) c6 do thi y = f’(x) trén [1;4].
Sosinh £(1), £(3). £(4). /\ /

‘ 0 s I
Cho 1= [x(1-x)” dr. 3 '

0

% 2 1 1 1o 1 45 1
a) Tinh I . b) Riit gon: S :ch; —EC,'Q+Zcm—...+EC}:—§c§§.
) i 3 22_1 21_1 , 2n+|_1
Cho n la so nguyén duong. Tinh tong: C, +TCfr +TC': +...+ . C .
n+

Mét hoc sinh tw ché tén lira va phéng tén lira tir mat dat véi van toc ban dau Ta 20 m/s . Gia sir
bo qua strc can cua giob, tén Itra chi chiu tdc dong cua trong lyre.

a) Hoisau 2's thi tén lra dat dén do cao 12 bao nhiéu?

b) Tinh d§ cao 1én nhét ma tén lira c6 thé dat duoc.

Pé dam bao an toan khi luu thong trong thanh phé thi cdc xe khi dirng lai phai ciach nhau mot
khoang téi thiéu 1a 1m. M6t xe mdy di chuyén trén dwong thi gip den do tir xa, nguoi diéu
khién xe mdy dap phanh va xe chuyén dong cham din déu véi van tée v(t)=10-5t (m/s).
Hoi dé gitr khoang cdch an toan, ngudi diéu khién xe mdy phai bt diu dap phanh khi cdch xe
dang dung phia trudc toi thiéu mdt khoang bao xa, biét rﬁng ngay lic dap phanh thi xe phia
trudc dang ding yén?

Ngudi ta thay nude maoi cho 1 bé boi ¢6 dang hinh hép chir nhit ¢6 d§ siu la A =280 cm. Gia
st h(7) 1a chidu cao (tinh bing cm) cua myc nuée bom duge tai thoi diém t gidy, biét ring tc

- o .« A " . s ’ 5 ' ]- - - A A - A -
do tang cua chiéu cao myc nudc tai gidy th tla £ (r) = ﬁ{’/t+ 3 va lic dau ho boi khong co

I3 9 * el bt 4 3 ~ P (3 :\ *,
nuwéc. Hoi sau bao 1du thi nude bom dugce a do sédu cua ho boi?
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Bai 59.

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Mot van dong vién dién kinh xuat phat chay véi gia toc a(t) =—if3 +%r" (mls"'). Hoi vao
thoi diém S5's sau khi xuat phét thi van toc cia van dong vién 1a bao nhiéu ?

Tai mot thoi diém ¢ trude lic dd xe ¢ tram dimg nghi, ba xe dang chuyén dong déu voi van toe
lan luot 1a 60 km/h. 50 kmv/h va 40 km/h Xe thir nhat di thém 4 phiit thi bit dau chuyén dong
chdm din déu va dimg hdn & tram tai phit thir 8; xe thr hai di thém 4 phit, bit ddu chuyén
dong cham din déu va dirng han & tram tai phat thir 13, xe thit hai di thém 8 phit, bat dau
chuyén dong cham dan déu va dirng han ¢ tram tai phat thir 12. D6 thi biéu dién van téc ba xe

theo thoi gian nhu sau: (don vi tryc tung x 10 km/h . don vi truc hoanh la phut).

-~

Xe thir nhat
6

Xe thir hai
3, [ ~

Xe thtr ba
4 p— - — - — - — - — - — - - -— - \
;s ~
= -~

~ \\,
2 NN
\0
-5
1 ™
\. |
NS

0 1 2 3 4 5 6 7 8 9 10 11 12 153_,

Gia sir tai thoi diém ¢ trén, ba xe dang cich tram Ian lugt Ta d,, d,, d, . So sanh cc khoang cch nay.
Coi cdi trong trudng 1a vat thé gi6i han boi mot mat cau = ® 3
ban kinh R=0,5m va hai mat ph.%mg song song cach

déu tam (nhu hinh v&). Biét chiéu cao cua trémg la h=0,8m.
Tinh thé tich cta cai trong.

Mot vit thé bang 26 ¢6 dang khéi tru v6i bdn kinh ddy

bang 10(cm) . Cat khi try boi mot mat phing cé

giao tuyén voi day 1a mot duong kinh cua ddy va

tao v&i ddy géc 45°. Tinh thé tich cia khdi gd bé.

Mt thiing ruou ¢6 ban kinh cic day la 30 cm thiét dién
vudng géc véi truc va cdch déu hai ddy ¢6 ban kinh Ia

40 cm , chiéu cao thuing ruou 1a I m (hinh vé).

Biét rang mat phang chira truc va cit mat xung quanh

thiing rugu 1a cdc dudng parabol, hoi thé tich cua thiing

ruou (don vi 1it) 12 bao nhiéu?
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Cau l.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

BAI TAP TRAC NGHIEM VAN DE 3

[2D3-2] Cho hai ham s6 y= f(x), y=g(x) lién tuc trén [a;b] va 6 do thi (C,) va (C,)

twong g thi cong thiic tinh dién tich hinh phang gi6i han boi (C,), (C,) va hai dudng thing

x=a,x=b 1a

A.S=]:[g(x)—f(x)]dx. B.S=T|f(x)—g(x)|dx.
(5 S:j[g(x)—f(x)]m‘. D. S=if(x]d.x—jg[x)dx.

[2D3-1] Ménh dé nao duéi day ding?

A. jk.f(x)d.x=k[F(b)—F(a)].

B. [ £ (x)dv=F (b)—F(a).

C. Dién tich § cia hinh phing giéi han boi hai dwong thing x=a.x=5b, dd thi hAm sb
y= f(x) va truc hoanh dugc tinh theo cong thic S = F(b)—F(a).

b
D. [ f(2x+3)dx=F(2x+3)] .

[2D3-1] Cho ham s6 y= f(x) lién tuc trén [a;b]. Dién tich hinh phang gii han boi do thi

ham 0, duong thing x =a, dwong thang x=b(b> a) vi truc hoanh la

A. S:xjf(x)dx. B. S:j’f(x)dx. & S:Eifz(x)dx. D. S=j’|f(x)|dx.

[2D3-1] Cho ham s6 y=uf (r) lién tuc trén doan [a;b]. Goi D la hinh phﬁng gi61 han boi ao
thi (C): P _f(x), truc hoanh, hai duong théng x=a, x=>b (nhu hinh vé bén duoi). Gia st S,
la dién tich ctia hinh phang D. Chon cong thirc diing trong cdc phuong dn A, B, C, D duéi day?

A S, = [ £+ | 7 (x)ex, Py £
B..5, =—Tf(x)dx+j-f(x)dx-

a

0

C. 5, = | £ (x)ar— 7 (x)a.

a

. 5, = £ (x)ax— £ (x)ax.

[2D3-1] Tinh dién tich hinh phﬁmg gioi han boi cdc duong y=xlInx, truc hoanh va duong
thang x=c¢.

A S=e-1. B.s=2F, c.s=2—", D.S=
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Cau 6. [2D3-1] Tinh dién tich hinh phing giéi han boi dd thi ham sé y = L —, truc hoanh, duong

(x+1)°
thing x=0, x=4.
A.Szi. B.Szg. C.S=i D.S=§
4 5 5 g

Cau7. [2D3-1] Hinh phing giéi han boi cic duong x=-1, x=2, y=0, y=x>—2x c6 dién tich
duoc tinh theo cong thirc:

A. Szjl(xg—b:]d.x. B. Szjj.(xz—Zx)dx—i(xz—Zx)dx.
i -1 0

C. §= j}l(xz—Zx)d.x+’2[(x2—2x)dx. D. S=j-|x2—2x‘dx.
-1 0 1]

Cau 8. [2D3-1] Cho ham sO y=_F (x) lién tuc trén doan [a;b]. Dién tich hinh phé‘ing gi61 han boi
duong cong y = f (x), truc hoanh, cdc duong thing x=a, x=b la

A. j:|f(x)‘dx. B.jf(x)dx. g [rix)es, D. —if(x]dx.

h
Cau9. [2D3-1] Cho ham sb y=f (x) lién tuc trén doan [a;b]. Dién tich hinh phrfmg gidi han bdi

duong cong y = f(x), truc hoanh, cdc dudong thing x=a, x=5 la:
b b

A. —j:f(x)dx‘ B.jf(x)dx. C. [ f(x)dx. D. [|f (x)|dx.

Cau 10. [2D3-1] Cong thirc tinh dién tich S cua hinh phéng 2idi han boi do thi hai ham s6 y=1 (x)

y=f,(x) vacdc duong thing x=a, x=b (a<b)la

b ]
A S =[] ()= £, () dr. B. s = [ £, ()= £i(x)]dx.
b b
C°S=I[ﬁ(x)—fg(-’fﬂdX‘- D. § =[] (x)+ 2 (x)]d.
Cau1l. [2D3-1] Tinh dién tich hinh phang gi6i han boi dd thi ham s§ y = x" — x> —2x téndoan [~1; 2] vatrye
hoanh.
A.E B.E C,§ D-g
12 3 3 4

Caul12. [2D3-1] Dién tich hinh phang dugc gidi han boi d6 thi ham s§ y = 1 , truc hoanh va hai dudng thang
X

x=1,x=ela
A 0. Bl C.ec. D.e™.

Cau 13. [2D3-1] Cho ham sb y =j'(x) [ién tuc trén doan [a;b]. Dién tich hinh phfmg gioi han boi

duong cong y= f (.x) , truc hoanh, ciac duong thﬁng ¥=a,x=b1a

A.j|f(x)\ax. B. —_Tf(x)dx. C. [ f(x)dx. D.Tf{x)d.x.

b
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Cau 14. [2D3-2] Dién tich hinh phing gidi han boi cdc duong y =sinx, y=0, x=

2
s 1—£. B.%—]. C.

va truc tung la

D.

L‘NM g

M‘\&

Cau 15. [2D3-2] Cho S la dién tich hinh pha:mg gigi han bdi do thi ham ) y= 2x—x va truc hoanh.
S6 nguyén 1on nhit khong vuot qui S la:

A. 0. B. 1. Ce 2. 1, 3.
Cau 16. [2D3-2] Goi S(t) la dién tich hinh phang gi¢i han boi cde duong y :;ﬂ y=0,
(x+1)(x+2)
x=0, x=1 (¢>0). Tim lim S(r).
I 1 1 1
A.-In2——. B, In2~—. €. =~In2. D. In24—~,
2 2 2 2
Ciu 17. [2D3-2] Cho ham s6 y=f(x)=ax’+bx’+cx+d, véi y=f(x)
N : s % AY
(a,b,c,de R, a#0) c6 do thi (C). Biét rang do6 thi (C) )
tiép xtic véi duong thing y =4 tai diém c6 hoanh d6 im va 0

dd thi cita ham s§ y = f’(x) cho boi hinh v& bén. Tinh di¢n 1 ]
tich § clia hinh phing giéi han boi d6 thi (C) va tryc hoanh.

As S=9. Bt S=£.
4
C.S=E. D.S=§.
4 4 -3

5 ;
Cau 18. [2D3-2] Cho (C):y= %x“ +mx’ ~2x——2m—-;— .Gidtri me [O;EJ sao cho hinh phang gidi han

boi d6 thi (C), y=0, x=0, x=2 ¢6 dién tich bang 4 Ia:

A. m=l. B.m=~l. C.m=l. D.m=——é.
4 2
Céau 19. [2D3-2] Dién tich hinh phang giéi han bai d6 thi ham sé y =l, truc hoanh va hai duong thing
X
r=1; x=E.1a
A. 0. B. 1. C.e B,
c

Cau20. [2D3-2] Tinhdién tich S ctia mién hinh phang gi6i han boi d6 thi cia ham s6 y = x* —3x* va truc

hoanh.
A. S=E- B.S=§. Co S:-E‘ Do S=§.
2 4 4 4
Cau 21. [2D3-2] Dé tim dién tich cua hinh phing gidi han boi cic duong y=x’, y=0, x=—1, x=2

mot hoc sinh thuc hién theo cic budc nhu sau:

, 2 , X , 1| 15
BuscL §=|[x'dx|  BudclL §=|~— Budc III. § =|4——|=—

! 4|, 4 4

Cach lam trén sai tir budc nao?
A. Khong c6 budce nao sai. B. Buoc L.
C. Budce I1. D. Buaoe I11.
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Cau 22.

Cau 23.

Cau 24.

Céu 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

[2D3-2] Dién tich hinh phing gi¢i han bai cdc duong y=3+/x, x=4, truc Ox Ia

A. 72. B.%. C. 16. D. 24.

[2D3-2] Dién tich hinh phang gidi han boi d6 thi ham s y=x”+2x va cic duong thing
y=0, x=-1, x=11a

A.E. B. 2. C.
3

W | =

s
3

[2D3-2] Cho ham s y = f(x) lién tuc trén R va théa man f(—1)>0> £(0). Goi S Ia dién
tich hinh phang gi6i han béi cdc duong y= f(x), y=0, x=—1 va x=1. Ménh dé ndo sau diy

la ding?
A. Sz_ff(x]dx+j|f(x)|dx. B. S:_j’\f(x)\dx.
C.Szj-_f(x]d.x. D.Szvl[‘f(x)dx‘.

[2D3-2] Dién tich hinh phfing gioi han boi cac dd thi ham séy=,x3—.t; y=2x va cac
duong x =—1;x=1 duwgc xac dinh bdi cong thire.
1

j(3x—x3)dx.

I

A S= B. 5 =[(3x—x')dx.
iy

C. S= T(.x-‘ —3x)dx+j(3x—x3]dx. D. S= Jq(3x—x3)dx+j(x3 —3x)dx.

ot | 0

[2D3-2] Tinh dién tich cua hinh phéng [H] g161 han boi cac dudng y = \E, y=6—x vatruc

hoanh.
] &, 2 g9 B.2o.
3 3 3 3

[2D3-2] Tinh dién tich hinh phfmg gidi han boi cic duong y=x, y=x+sin’x, x=0, x=7.
A S=x. B.S=r-L. C. S=r-1. b, §=2.

2 2
[2D3-2] Dién tich hinh phé’ing dugc gidi han boi dudng cong y* =4x va duong th'fmg x=1
bing S . Gidtricua S Ia

A, 1. B.

oo | L

C.§. D. 16.
3

[2D3-2] Tinh dién tich hinh phﬁng gi61 han bai cac dd thi ham ) y= (x— l)ez", truc hoanh va
cac duong thﬁng x=0,x=2.

4 2 4 2 4
A.e—+e——é. B.e——e——g. G =g, ,
4 2 4 4 2 4 4 2 4 4 2

e’ 3 et e 3

e —i,
4

[2D3-2] Tinh dién tich hinh phing gi¢i han bai do thi ham s6 y= xsin 2x, truc hoanh va cic

duong thing x=0, x=7.

A. 27, | el
4

0
NN

o

8
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Cau 31.

Cau 32.

Céu 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

[2D3-2] Hinh vudng OABC ¢6 canh béng 4 duoc chia thanh

: y
hai phan boi duong cong (C) c6 phuong trinh y =%x2. Goi e
S,. S, 1a dién tich ctia phin khong bi gach va phéin bi gach
(nhu hinh v&). Tinh ti s6 gi . s, (€)
3
A.%=;. B. §1=2. [
2 = 2 C
£ Sh B St 0 4 X
Faat b5

[2D3-2] Xét hinh phfmg (D) gi01 han boi cac duong y=(x+3]2, y=0, x=0. Goi A(0;9),
B(IJ;O) (—3 <b <O]. Tim b dé doan thing AB chia (D) thanh hai phan c6 dién tich bang nhau.

A b=-2. H Baes C. b=-1. i e

2 2
[2D3-2] Cho ham s6 y=x* —3x* +3mx+m—1. Biét ring hinh phing gidi han boi d6 thi ham
sO va truc Ox c6 dién tich phan nim phia trén tryc Ox va phan nim dudi truc Ox bing nhau.
Gid trictoa m la:

&= B. 2. g D,
3 5 4 5
[2D3-2] Goi § Ia dién tich hinh phang (H ) gi6i
han boi cdc duong y= f(x), truc hoanh va 4
B

hai duong thfmg x=—1, x=2 (nhu hinh vé :

] 1]
bén). Pat a= [ f(x)dx, b= f(x)dx, m¢nh *

- 0 1
dé nao sau day diing? )
A. S=b-a. -3 2
B.S=b+a.
C.S=-b+a.
Dt S = _b_a

[2D3-2]Dién tich hinh phfmg gi61 han boi dd thi ham sé y= \/; , truc hoanh va duodng thing

y=x-21la
A. 5 B. E C. E D. 6.
3 3 3

[2D3-3] Cho ham s6 y=x*—(m’+2)x* +m’ +1 ¢6 @b thi (C,, ). Cdc gid tri cia m thoa (C,,)
cat truc hoanh tai 4 diém phén biét sao cho hinh phing gi¢i han boi (C,) va tryc hoanh c6
dién tich phdn phia trén truc hoanh bing % thudc tap hop nao sau day?

A. (0;2). B. [-2;2]. C. [-51]. D. (-2;2).

[2D3-3]Cho hinh phing (H) gi6i han béi cdc duong y=Inx, y=0, x=k, (k>1). Tim k dé
dién tich hinh phang (H) bang 1.

)

A k=2. B. k=¢>. C. k=¢e. D. k=e.

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




GV. TRAN QUOC NGHIA - suu t4m va bién tap 31

Cau 38.

Ciu 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

[2D3-3] Cho hinh thang ¥
cong (H) giéi han bdi
cdc duong y=e', y=0,

x=0, x=In4. Duong
thing x=k (0<k <In4)

chia (H) thanh hai phan
¢6 dién tich Ia S, va S,

nhu hinh v& bén. Tim k

dé 5, =285,.

2
A. k=ZIn4.

3 S:z
B. k=In2.

1'18 / S;
C. k=In=.

3 ]

D. k=In3. o k In4

[2D3-3] Biét rang hinh thang cong (H) gi6i han boi cdc duong y=2—x, y=0, x=k, x=3
(k<2) vacé di¢n tich bang S, . Xdc dinh gid trj ctia k dé S, =16.

A. k=2-431. B. k=2++31. C. k=2+415. D. k=2-+/15.
[2D3-3] Cho phén vat thé B gi6i han boi hai mat phang ¢é phuong trinh x=0 va x=2. Cit
phan vat thé B bdi mat phiang vudng géc véi truc Ox tai diém c6 hoanh d¢6 x(0<x<2) ta
duoc thiét dién 1a mot tam glic déu ¢6 @6 dai canh bﬁng x/2—x . Tinh thé tich cta phé’in vat
thé B.

A.V:%. B, o el C. V=443 D. V =/3.

V3
[2D3-3] Dién tich hinh phing giéi han béi duong cong y = 4—\x\ va truc hoanh la
A. 0. B. 16. C. 4. D. 8.
[2D3-3] Goi (H) 1a hinh phéng gi¢i han bdi dd thi ham sé: y=x"—4x+4, truc tung va truc
hoanh. Xdc dinh k dé duong thing (d) di qua diem A(0;4) c6 hé sd géc k chia (H) thanh

hai phan c6 dién tich bing nhau.

A k=—4. B. k =-8. C. k=-6. D. k=-2.
[2D3-3] Tinh dién tich hinh phing gidi han boi d6 thi ham s6 y = x* —10x* +9 va truc hoanh
ALl B. =57 ¢ 5=1%8 B, §=21

15 15 15 15
[2D3-3] Tinh dién tich hinh phﬁng (H) £i6i han boi hai dd thi y=3", y=4—x va truc tung.
A Sl t B s=2: 3 gyt 2 mg=l 2

2 In3 2 In3 2 In3 2 In3
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Céu 51.

Cau 52.

Cau 53.

[2D3-3] Dién tich hinh phing gi6i han boi d6 thi ham s6 y=ax’(a>0), truc hoanh vi hai
3 ; 5
duong thang x=-1, x=k(k >0) bang lTa.Tim k.

A k=1. B.k:l. Ci k=

l. D. k=2.
4 2

[2D3-3] Dién tich hinh phﬁng €161 han boi dod thi __vzx” —3x% +2x, truc hoanh, truc tung va
duong thing x =3 la

K3 B 1L A .
6 4 4 3
[2D3-4] Cho ham s6 y=f(x). Db thi cia ham sé

y=f’(x) nhu hinh vé&. Pat g(x)=2f(x)+x’. Ménh dé
nao dudi day ding?
A g(3)<g(-3)<g(1).
(N<g(3)<g(-3).
C. g(1)<g(-3)<g(3)-
(-3)<g(3)<z(1).

[2D3-4] Goi (H) 1a hinh phang gidi han boi db thi ham s6 y=4x—x’ va truc hoanh trén

—
]

[0;2]. Tim m dé duong thang y =mx chia hinh (H) thanh hai phan c6 dién tich bing nhau

A m=4-22. B.m=-3+4/2. C.m=4-32. D. m=4++2.
[2D3-1] Dién tich hinh phing gi¢i han béi cdc duong y=x" va y=x la:
A.l‘ B.i‘ C.i. D.l.

6 15 12 -

[2D3-1] Dién tich hinh phing gi¢i han boi cdc duong y=x"—x, y=0, x=0 va x=2 duoc

tinh boi cong thue:

A. ;!:(x-xz)dx. B. j'(.xz—x)dx-—j:(xz—x]dx.
C. j.(xz—x)dx+;[[x3—x)dx. Ik .I » —x

[2D3-1] Cho hinh phing (H) gidi han boi cic duong y=x;y =0; x=2. Tinh thé tich V cua
khdi tron xoay tao thanh khi quay (H) quanh truc Ox.

A.V=%. B.V—E C.V=8—E. D.V=§.
3 5 3 3

[2D3-1] Tinh di¢n tich hinh phang gidi han boi d6 thi ham sd y = x* va dudng thang y=x

B =i, =, BT, p. L.
6 3 6
[2D3-1] Tinh dién tich S cua hinh phing gidi han bai d6 thi cua cic ham s6 y=x%, y =2x.
N, B, B 52, C.s=3. D.S==.
3 3 4 20
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

[2D3-1] Tinh dién tich hinh phing gi6i han boi d6 thi ham s§ y=x*—3x* +4 va dudng thing
x—y+1=0.

A. 0 (dvdt). B. 4 (dvdt). C. 8 (dvdt). D. 6 (dvdt).

[2D3-1] Cho hinh phéng (H) giéi han boi cdc duong y=x’ va y=x. Tinh dién tich § cia
hinh phing (H).

A S=r. B.S=—. C.5=—. D. §=1.
6 15 12 4

[2D3-1] Néu hinh phang dugc gidi han bdi dd thi clia hai ham s6 f,(x) va f, (x) lién tuc trén

doan [a;b] va hai duong thing x=a, x=»b thidién tich § dwoc cho boi cong thic:

b b
A. 8= [[| ()] +] £, (x)[]ax. B. S =|[[ £ (x)- f(x)]dx].
b b
C. S =[|£(x)+ £ (x)|dx. D. S = [|£,(x)- £, (x)]dx.
[2D3-2] Dién tich § ctia hinh phang gi¢i han bai hai dudng cong y=x* va y=2x" la
i = B. . Or.. D. L,
6 8 4 12

[2D3-2] Tinh dién tich hinh phfmg gidi han boi cic duong sau: y=xsin2x, y=2x, x= %

2 2 2
nF _u B. 7 1. G ANNE D% .7
4 4 4 4 4

[2D3-2] Khi tinh dién tich hinh phang gi6i han boi dd thi cdc ham s6 y=x’, y =2x—x°, mot
hoc sinh tinh theo cdc buée sau.

x=0
Budc 1: Phuong trinh hoanh d¢ giao diém: x* =2x—x" & | x=1.
x=-2
1
Buoc 2: S = ”x] —(Q.x—xz) dx.
b ¥ 0 B e B
Budc 3: S = L(x 47 = 2x)dx == (dvao),
Céch giai trén diing hay sai? Néu sai thi sai tir budc no?
A. Budc 3. B. Pung. C. Budc 2. D. Budc 1.
[2D3-2] Dién tich hinh phing gi¢i han boi 2 dudng cong y* =x va y=x la
A.l. B. 1. C.E. D.l.
2 2 6

[2D3-2]Dién tich hinh phang gi6i han boi duong cong y = x* +x—1 va dudng thing y=2x+1
la
9 11

A. —. B. 4. C. —. D. 3.
2 2

[2D3-2] Dién tich hinh phing gi6i han bai cdc d6 thi ham sd y=x* va y=x la:

A. % (dvdt). B. %(dvdt). €. %(dvdt). D. ]g(dvdt).
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Cau 63. [2D3-2] Goi (H )l hinh phing gi¢i han boi (C): y=x', d: y=-x+2, Ox.Quay (H) xung

quanh truc Ox ta dugc khéi tron xoay co thé tich 1a:
% E, Ll C. B.f
T 21 21

Ciu 64. [2D3-2] Cho hinh phang (H) gi6i han bai cdc duong y=x*, y=2x. Thé tich ctia khoi tron

w [N

xoay duoc tao thanh khi quay (H ) xung quanh truc hoanh bang:
| O, O, g =T 5,2,
15 15 15 15
Cau 65. [2D3-2] Thé tich khdi tron xoay khi quay hinh phing (H) gidi han boi y=x" va y=x+2
quanh truc Ox la

A. e (dvtt). B. 128 (dvtt). C. S (dvtt). D. il (dvtt).
10 5 10 5

Cau 66. [2D3-2] Goi S la dién tich hinh phfmg gid1 han boi cac duong 2my = X%, mx= %yz, (m > 0).

Tim gid tri cua m dé §=3.

A. m=§. B. m=2. Cam=3, D.m=l.
2 2
Cau 67. [2D3-2] Hinh phing gidi han boi y =x, y=4x’, y=4 ¢6 dién tich bang
A %dvdr). B. %((M). C. %(.m). D. %(dvdr).

Cau 68. [2D3-2] Dién tich hinh phang gi6i han bdi dd thi cdc ham sé y=(e+1)x, y=(I1+e")x bing:
A.e+%. B.e—%. o %—1. D. §+1.
Ciu 69. [2D3-2] Dién tich hinh phang gi&i han béi d6 thi ham sé y = x* va duong thang y=2x]a
4 3 5 p. 23

A, —. B. —. C.—. e
3 2 3 15

Céau 70. [2D3-2] Gia sir hinh phang tao boi cdc duong y=f(x), y=0, x=a, x=b cédiéntich S, , hinh
phang tao boi cac duong y=|f(x)|, y=0, x=a, x=b codiéntich §,, con hinh phéng tao boi
cdcduong y=-f(x), y=0, x=a, x=b cédiéntich S,. Két qua ndo sau ddy 1a ding?

A. S, >8;. B. §,=8§,. C. §, =-8,. D. S, >S,.

Cau 71. [2D3-2] Tinh dién tich hinh phing gi¢i han boi db thi ham sb y=x°, y=x".

A S=1. B.§=2. C.S=l. D.S=l.
6 3

Cau 72. [2D3-2] Tinh dién tich S hinh phing gidi han boi parabol (P): y* =2x va duong thing x=27
16

A. §=5. B. == C. S=6. D.5=7.
Cau73. [2D3-2] Tinh dién tich hinh phang giéi han boi duong thing y=2x+1 va dd thi ham sb
y=x"—x+3.
it Bt oL B
6 6 7 8
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Ciu 74.

Cau 75.

Ciu 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

[2D3-2]Tinh dién tich § cua hinh phing gi¢i han boi hai duong cong y=x'—x va y=x-x".
A.S=£. B.S=3—7. C.S=2. D.S=E.

37 12 4 6
[2D3-2] Goi § la dién tich hinh phé’ing 2101 han boi cac duong y =&, y=2-#% ¥ y=0.
Ménh dé nao sau day 1a diing?

A. S=jx3dx+i(x—2}dr. B.S=i(x3+x-2)d.x|.
0 1 0

C.S=l+jx3dx. D.S:jx-‘-(z_x)\dx.
2 % 0

[2D3-2] Tinh di¢n tich hinh phing gi¢i han boi hai d6 thi (C,):y=x"+2x va (C,):y=x".
A.Szﬁ. B.S=E. C.Szi. D.S=2.

12 4 12 -+
[2D3-2] Di¢n tich hinh phing bi gi6i han boi duong cong y =x* va duong thang y=2-x,
truc hoanh va mién trong x>0 bang

A 2. B.z. C

o, By,
6 3 6
[2D3-2] Tim dién tich hinh phé'ing gioi han boi cdc duong y=(x—1)e*, y= x =17
A.S=e+§. B.S=e+g. C.S=e—z. D.S=e—§.
3 3 3 3
[2D3-2] Dién tich hinh phing gi¢i han boi cic duong y = V2x, y=4—x vatruc Ox duoc tinh boi
cong thuc:

4 4 2 4
A. [V2xde+[(4-x)dx. B. [2xdx+[(4-x)dx.

0 0 1} 2

4 2
C. [(V2x—4+x)dr. D. [(4—x—+2x)dx.

0 ]
[2D3-2] Tinh dién tich hinh phing duoc gidi han boi cdc duong y=x', y=2-x>, x=0.
A. —E. B.E. C. 0. D.E.

12 17 12

[2D3-3] Dién tich hinh phﬁng 2idi han boi dd thi cua hai ham 56 y=x—x*+x—1 va

y=x"+2x—3 bang

2 B ¢,

. —. \ D.
12 12

EN )
W | oo

[2D3-3] Tinh thé tich khéi tron xoay sinh ra khi quay quanh tryc Ox hinh phing giéi han boi
hai dd thi y=x*—4x+6, y=—x"-2x+6.
A. 3r. B. 7-1. C.z. D, 2¢.

[2D3-3] Goi S 1a dién tich hinh phang gi¢i han boi hai d6 thi ham s6 y e va y=x-3.
X

Tinh §

A.S=l. B. S=—4+2In2. C.S=%—21n2. D.S=—l.

=)
=)
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Cau 84.

Cau 85.

Céu 86.

Cau 87.

Ciu 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

[2D3-3] Tinh thé tich khoi tron xoay dwgc tao boi phép quay quanh truc Ox hinh phang gi6i
han boi cac duong yzx/z: y=2-xva y=0.
A. 2—'?: B. . C 3—]: D. S—E

3 2 6
[2D3-3] Dién tich hinh phing gi¢6i han boi do thi cic ham  sb
y=x+11x—6; y=6x% x=0; x=2 c6 két qua I % trong dé a va b 1a cdc sé nguyén duong
va % t61 gian. Khi d6 gid tri a—b bang
A. 3. Bo ""3. C. 2. Dt 59.
[2D3-3] Dién tich hinh phing gidi han boi dwong cong y* =4x va duong thing x=1 bang S.
Giatricua S la
Al B. E s § D. 16.

8 3
[2D3-3] Dién tich hinh phing gi¢i han bdi nhdnh dudng cong y=x" véi x >0, dwong thing
y =2—x vi tryc hoanh bing
A. 2. B. l C. l D. 2
6 3 6
[2D3-3]Dién tich hinh phing gii han boi d6 thi (C) clia hamsb y = % (x* —4x+3) va hai tiép
tuyén cua (C) xudt phat tr M (3;-2) Ia
3

A. § B. E 68 ]— D. E

3 3 3 3
[2D3-3]Tinh dién tich hinh phfmg giéi han boi cac duong (C):y =33 —x* —4x+1,
(C)iy=2r+2 -3~ 9@ x=2
A.E. B.i. C.l. D.i.

12 12 2 12

2

[2D3-3] Parabol y =% chia hinh tron c6 tam la géc toa d6. ban kinh bﬁng 2.\/5 thanh hai

2 s qea - - - - 2 A S
phan cé digntich la S, va S,, trongdé S, < S,. Timtiso —-.

S,
Br+2 g, 37m+2 c. 3m+2 p. %2

2lr -2 -2 127 3r+2
[2D3-3] Dién tich hinh phing gidi han béi cdc duong y=x* va y=2—x" Ia:

1 1 1 1
A. [(1-x")dx. B. [(1-x")dx. C. [(x*-1)dx. D. [(x*~1)dx.

—1 0 -1 0
[2D3-3] Dién tich hinh phing gi¢i han bdi dé thi cua cdc ham sé y=x*—3x—1, y=-3x+2
bang

A. %. B. 2./3. C. 43. D. 8/3.
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Cau 93.

Cau %4.

Ciu 95.

Céu 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

[2D3-3] Tinh dién tich hinh phing gi¢i han boi hai dudng x> -2y =0 va x*+y* =8

A. 2(7r+i]. B. 2[1:-1—2]. 6. 2[27z+i} D. 2[7:—2].
3 3 3 3

[2D3-3] Tinh dién tich hinh phing giéi han bai db thi cdc ham sb y=x*+3x"—x va dd thi
ham s6 y=2x"+x.
x: I 37

. —. B 13. C. —. D.
12 12

+ | o

[2D3-3] Cho hinh phang (H) gi¢i han boi cac duong parabol: (P): y=x"—2x+2, tiép tuyén
cua (P) tai M (3;5) vatruc Oy. Tinh dién tich cta hinh (H)
A. 18 (dvdt). B. 9 (avdt) . C. 15 (dvdt). D. 12 (avdt) .

[2D3-4] Dién tich ctia hinh phing gidi han bai nira duong tron x>+ y> =2,y >0 va parabol

y=x" bing
A Z g, B 1 e.%. 1 DY
2 3 2 3 2

[2D3-4] Dién tich mién phz'ing gi6i han boi cdc duong: y=2", y=—x+3 va y=1 la

B o, Bs=_L 411 A AL D.s=L .3

2 2’ In 2 500N 2

ok d

[2D3-4] (THPT Quéc Gia 2017) Cho ham sb
y=f(x). Do thi cia ham s6 y=f’(x) nhu

hinh bén. Pat h(x)=2f(x)—x*. Ménh dé nao

duagi day ding?

A. h(4)=h(-2)>h(2).

B. 13(4) h(-2)<h(2). e LA L L
- h(2)>h(4)>h(-2). """" """" """

A

[2D3-4] Cho ham s6 y=f(x). Do thi ctia ham sb
v=f"(x) nhu hinh bén. Bat g(x)=2f(x)—(x+1)".
Ménh dé nao dudi day ding?
A. 3(3)>3(-3)>3(1)-

g(-3)>¢(3)>¢(1).

g(1)>g(-3)>2(3).

g(1)>¢(3)>g(-3).

[2D3-4] Cho parabol (P):y=x*+1 va duong thing d:y=mx+2. Biét ring ton tai m dé

dién tich hinh phing gii han bai (P) va d dat gid tri nho nhét, tinh dién tich nhé nhat dé.
A. §=0. B.S:%. C.S:%. D. §=4.
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Cau 101. [2D3-4] Dién tich hinh phang gigi han boi hai duong: y= \f —4x+3|, x=—1. bang:
. 2, 622 . .
6 6 7 8

y?

Cau 102. [2D3-4] Trong mat phang toa dd6 Oxy cho (E) c6 phuong trinh x—;+—,,=1,([)<b< a) va
o

duong tron (C):x* +y* =7. Biét dién tich elip (E£) gdp 7 1an dién tich hinh tron (C). Khi d6

A. ab=17. B. ab=77. C. ab=4/7. D. ab=49.
Ciu 103. [2D3-4] Cho hinh phing (H) gi6i han boi céc by
duong yz\x2—1| vd y=k,0<k<l. Tim k dé \
\
dién tich cua hinh phing (H ) gap hai lan dién tich 1
-’ et 1=
hinh phéng dugc ke soc trong hinh vé& bén. J ¥
A k=34, B. k=32-1. \\/ \/ "
C. k= % D. k=3/4-1. 0 8}

Cau 104. [2D3-1] Thé tich vt thé tron xoay khi quay hinh phing giéi han béi cic duong y =C;‘:‘\/I ,
x=1, x=2 va y=0 quanh truc Ox la:

A. 7e. B. :7r(e1 —e). C. 7e’. D. 7((32 +e).

Céu 105. [2D3-1] Cho hinh (H ) gi6i han boi dwong y=—x”+2x va truc hoanh. Quay hinh (H ) quanh
truc Ox ta duoc khéi tron xoay co thé tich Ia:
4 32z C 496x l6x

A —. B. . . D. —.
3 15 15 15

Ciu 106. [2D3-1] Cho hinh phing (H) gi6i han boi y =2x—x*, y=0. Tinh thé tich ciia khdi tron xoay
thu duoc khi quay (H) xung quanh truc Ox ta duge V = z[%+l]véi a,be R va % 12 phén

s0 toi gian. Tinh a,b.
A.a=1 b=15. B.a=-7, b=15. C.a=241,b=15. D.a=16, b=15.

Cau 107. [2D3-1] Cho (H) la hinh phing gi6i han boi dudng cong (C): y=-x+4x va duong thing
(d): y=x. Tinh thé tich V cta vat thé tron xoay do hinh phang (H) quay xung quanh truc

hoanh.

Ay =2lZ B v=3l7 c. v =187 D. v 1087

10 5 5 10
Céu 108. [2D3-1] Cho hinh (D) gi6i han boi cdc dudng y= f(x).y=0x=7,x=e, {e = lim(1+ lJ }

Quay (D) quanh tryc Ox ta duge khi tron xoay ¢6 thé tich 1a

A.V:xffz(x)dx. B.V:xﬂf(x)\dx. C.szjfl(x)dx. D.sz'\_f(x)\m.
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Cau 109.

Cau 110.

Cau 111.

Céiu 112.

Cau 113.

Cau 114.

Cau 115.

Cau 116.

Cau 117.

[2D3-1] Thé tich ciia khoi tron xoay khi cho hinh phang gidi han boi Parabol (P):y=2x" va

duong thang d : y = x quay xung quanh truc Ox dugc tinh bdi cong thic nao dudi day?
1 1 1

A. V=ﬂ:ix2dx—47rix4dx. B. V=Ei(x—2x2)dx.
0 Q 0
I I |

c. V=.?ri(2x2—x)2dx. D. V=7rjx2cix+4ﬂ'jx4dx.
0 0 0

[2D3-1] Tinh thé tich cua khi tron xoay tao thanh khi quay quanh truc hoanh hinh phing gi6i
han bdi cic dudmg y=x"-2x, y=0,x=0 v x=1.
87 k3 87 157

A V=—0. B.V=—. CoV=—0m. D.V=—u!
15 8 7 8

[2D3-1] Tinh thé tich cua vit thé tron xoay khi quay hinh phing gidi han béi cdc duong y = 3,
X

y=0, x=1, x=4 quanh truc Ox.

A 21 B. 3r. C. 4r. D. 6rln2.

[2D3-1] Thé tich vét thé tron xoay sinh boi khi quay hinh phing gi¢i han boi dé thi ham sb
y =x"—=2x, truc hoanh, duong thing x=0 va duong thing x=1 quay quanh truc hoanh la:

A.V=16—E. B.V=2—7r. C.V=4—ﬁ. D.V=8—E.
15 3 3 15

[2D3-2] Ki hiéu (H) Ia hinh phing gioi han boi dudng cong y =tanx, truc hoanh va hai

duwong thang x=0, x= % Tinh thé tich V cta khéi tron xoay thu dugc khi quay hinh (H )

xung quanh truc Ox .
A'V="E[l“£] B.V=[l—£]. 8 V:x(l—z}. D. V=7z(2—£].
4 -+ 4 4

[2D3-2] Cho hinh phing (H) giéi han boi cc duong y =x’;y=0; x =2. Tinh thé tich V cua
khdi tron xoay thu dugc khi quay (H) quanh truc Ox .
8 BV=22, o v=2E TN

3 5 3 5
[2D3-2]Tinh thé tich V cua vat thé trdon xoay sinh ra khi cho hinh phing gidi han boi cic

duong y=l, v=0, x=1, x=a, (a>1) quay xung quanh truc Ox .
x

v mve(i-be eve(ied)e nve(1sd)

[2D3-2] Thé tich V cua khéi tron xoay tao thanh khi quay hinh phfang gidi han boi cdc duong

y=0, y=x,/ln(x+]) va x=1 xung quanh truc Ox la

B, Vi, B.v=2(12112-5). V=% D.V=2"(12In2-5).
6 6 18 18

[2D3-2] Thé tich vat thé tron xoay tao thanh khi quay hinh gi6i han béi cdc duong y=+/xe’,

truc hoanh va dudng thing x=1 quanh Ox la

A. %(324—1). B. %(elml). c. %( >_1). D. g(eul).
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Cau 118.

Cau 119.

Cau 120.

Cau 121.

Cau 122.

Cau 123.

Cau 124.

Cau 125.

[2D3-2] Goi V Ia thé tich ctia khéi tron xoay tao thanh khi quay quanh truc Ox ciia mét Elip c6
2 L2 : )
phwong trinh %+ )T =1. V c6 gid tri gin nhit voi gid tri nao sau day?

A. 60. B. 500. C. 10. D. 50.

[2D3-2] Cho hinh phang (H) giGi han boi cdc duong y = x> va y =+/x. Khdi tron xoay tao ra
khi (H) quay quanh Ox c6 thé tich la:

1

1
A. 7z [(x* —x)dx (dvir). B. z[(x* —/x)dx (dvtr).
0 0
1 1
C. z[(Vx—x*)dx (dvtt). D. [ (x—x')dr (dvit).
0 o
[2D3-2] Thé tich khéi tron xoay khi quay hinh phing gidi han boi d6 thi cic ham sb
y=x"-2x, y=0, x=-1, x=2 quanh truc Ox bang
& B, 33% 617, b, S,
18 5 5 5

~

[2D3-2] Thé tich ctia khdi tron xoay khi cho hinh phang gi6i han béi Parabol (P):y=x* va
dwong thang (d):y=x quay xung quanh tryc Ox bang:

A. irj‘xzd.x—irjx*ldx. B. Jrszdx+.7r_[[x4dx. C. Jrj‘(xz—x]zdx. D. Jrj(x—xg)dx.
0 0 0 0 1]

0

[2D3-2] Tinh thé tich vat thé trdon xoay khi quay hinh phing gi¢i han boi (C):y= i

y=0, x=0, x=1 quanh Ox.

A. 37, B. 7. @ 1.7:. D. i;r.
6 6

[2D3-2] (THPT Quéc Gia 2017) Cho hinh phiang D gi6i han bi dudng cong y=+/2+cosx,
truc hoanh va céc duong thing x=0, x *—“%. Khéi tron xoay tao thanh khi quay D quanh truc

hoanh ¢6 thé tich V bing bao nhiéu?
A V=r-1. B.V=(z-1)x. C.V=(z+1)x. D.V=rx+l.

[2D3-2] Cho hinh phing D giéi han boi dudng cong y =e*, truc hoanh va céc duong thing
x=0, x=1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bing bao
nhiéu?
2 (e’ +1 2_ (e’ -1

Av= R ) o o il |

2 2 2 2
[2D3-2] Cho hinh phing D giéi han béi dudng cong y =+/2+sin x , truc hoanh va cdc duong
thaing x=0, x=7. Khoi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich
V bang bao nhiéu?
A. V=21, B.V=27(7x+1). C.¥V=27. D.V=2(7x+1).
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Ciu 126. [2D3-2] Goi V la thé tich vat thé tron xoay khi quay hinh phang gii han boi cic duong

x

yv=e’yJx x=1 x=2 va y=0 quanh truc Ox. Tinh gid tricua V.,
A. V=1 B.V=r(e’—e). C.V =nme’. D. V=r(e’+e).

Cau 127. [2D3-2] Thé tich khéi tron xoay tao nén do quay xung quanh truc truc Ox hinh phing gidi han
boi cde duong y=(1-x)", y=0, x=0, x=2 bing:

A BTV2 B, 2& o.2%.
3 5 >

D. 7.

Ciu 128. [2D3-2] Cho hinh (D) gi6i han boi céc duong y = 24/x — x. truc hoanh, Quay hinh (D) quanh

truc Ox ta dwoc khi tron xoay c6 thé tich Ia
- o A C. (z-1)x. o2k
3 100 15
Céu 129. [2D3-2] Thé tich khéi tron xoay do hinh phang dugce gidi han boi cde dudng y =x* va x =y’
quay quanh truc Ox béng bao nhiéu?
g 8 B. 107. g% D. 37.
10 3
Cau 130. [2D3-2] Ki hi¢u (H) 1a hinh phang gi6i han boi db thi ham sé y=2x—x" v truc Ox. Tinh
thé tich vat thé tron xoay duoc sinh ra boi hinh phiang (H) khin6 quay quanh truc Ox .
o =, B. 137 TPy p. 167
15 15 15 15
Cau 131. [2D3-2] Thé tich V cta khéi tron xoay duoc sinh ra khi quay hinh phé’ing gi6i han boi ) thi
ham sé y = x?va cdc dudng thang y =0, x=1, x=2 xung quanh truc hoanh Ia
R V=i B, Witk g V=%, D Yt
3 5 3 5
Cau 132. [2D3-2] Tinh thé tich khdi tron xoay c6 duoc khi cho hinh phang gii han béi cdc duong
y=+/lnx, y=0, x=2 quay xung quanh truc hoanh

A. 27(In2-1), B. 7(In2+1). C. 27In2. D. 7(2In2-1).

Céu 133. [2D3-2] Tinh thé tich V cta vit thé trdn xoay duge sinh ra khi hinh phang giéi han boi céc

duong y=em, x=0, x=1, y=0 quay quanh Ox.

AV =lfr(e3—e). B. VzE(Se“—eZ). G Vzﬂ'(le“—e].D. V =lfr(ej’+e).
3 6 3 3

Cau 134. [2D3-2] Tinh thé tich khéi tron xoay khi quay hinh phing giéi han béi y=sin2x.cosx, y=0,

(0< x<7) xung quanh truc Ox.

= B. Z. B, p. % .
8 8 4 4
Céu 135. [2D3-2] Tinh thé tich khdi tron xoay khi cho hinh phing gi¢i han boi do thi cdc ham sb
y=x"—2x vd y=—x" quay quanh truc Ox .
47

A. i B. —. e
3 3

w [N
| —
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Cau 136.

Cau 137.

Cau 138.

Cau 139.

Cau 140.

Ciau 141.

Cau 142.

Cau 143.

Cau 144.

[2D3-2] Thé tich ctia khoi tron xoay khi quay quanh truc hoanh cta hinh phang giéi han boi d6
thj ham s6 y = x(4—x) véi truc hoanh bing

e B 2= @ 2 M
15 3 15 3
[2D3-2] Goi V Ia thé tich cua khéi trdon xoay sinh ra khi cho hinh phing gi6i han boi cic
duong }r=i+l, y=0, x=1, x=k(k>1) quay xung quanh truc Ox. Tim k dé
X
v =7:[E+In 16].
4
A. k=4. B. k=8. C. k=de. D. k=¢’.
1l %

[2D3-2] Thé tich vat thé tron xoay khi quay hinh phang giéi han bai y=x2e?, x=1, x=2,
y=0 quanh tryc Ox 1a V =z (a+be’) (dvit). Tinh gid tri biéu thic a+b.
A. 4. B. 3. C. 1. D. 2.

k2
[2D3-2] Thé tich vat thé tron xoay khi quay hinh phing gi¢i han béi cic duong y=x2.e?,
x=1, x=2, y=0 quanh truc Ox la:
A. (e’ +e). B. (e’ —e). C. we. D. zé’.
[2D3-2] Ki hiéu (H) 1a hinh phang gi6i han boi d6 thi ham s6 y=(x—4)e", truc tung va tryc
hoanh. Tinh thé tich V' ciia khdi tron xoay thu duge khi quay hinh (H) xung quanh tryc Ox .

g _ £ e’ —-39)x et —41)x
& p=2E B p=S C.V=(7). D.V=!.
4 4 4 4

[2D3-2] Cho hinh phang (H) gii han boi cdc duong y=4—x°, y=0. Tinh thé tich V cua
khdi tron xoay tao thanh khi cho (H) quay quanh truc Ox .

512 _ 5127 327

A. V:F (dth). B.V ? (dthJ. C. V=2x (d\"dt). D.V T (dth).
[2D3-3] Cho f COSX 4y =aln2+bIn3. Khi dé gid tri ciia ab 1

-~ sinx+1

:
A3 . ¢ -4, D. 3.

[2D3-3] Tinh thé tich khoi tron xoay dugc tao boi phép quay quanh truc Ox hinh phé’ing 2101
han boi cdc duong y=x’; y=—3x+10 va y=1 nim trong géc phén tu thir nhat.
A. 60r. B.Sﬁ—x. C.S—E. D.m—x.
5 5 15
[2D3-3] Thé tich cua khéi tron xoay khi cho hinh phéng gi6i han boi Parabol (P):y =x> va

dwong thang d: y=2x quay xung quanh truc Ox bﬁng

A. ::j[xl—zx)zdx. B. xi(zx—f)dx. C. ;zfat,xzdxmj'fdx.n. Jrj'4x3dx—ffix4dx.
0 1] 1] 0 0 0
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Cau 145.

Cau 146.

Cau 147.

Cau 148.

Cau 149.

Céu 150.

Cau 151.

Céu 152.

[2D3-3] Cho hinh phing giéi han boi cdc dudng y=xInx, y=0, x=e quay xung quanh truc
Ox tao thanh khéi tron xoay ¢d thé tich bing %(be3 ~2). Tim a va b.

A. =27 b=5- B.a=26; b=6. Coa=24;b=5 D.a=27;b=6.
[2D3-3] Tinh thé tich khdi tron xoay tao thanh khi cho hinh Elip i;+ yj =1 quay xung quanh
truc Ox.

A. 4rb. B. %Jﬂ)z. c %m‘;z. D. 4—\3/3153:»2.

[2D3-3] Cho hinh phing (H) gi6i han boi cic duong y=x*—2x, truc hoanh, truc tung,
duong thing x=1. Tinh thé tich V hinh tron xoay sinh boi (H ) khi quay (H) quanh truc

Ox .

PO . By='%. oyt ) R
3 8 8 15

[2D3-3] Cho hinh phing (H) giéi han boi cic dudng y= Jinx, y=0, x=1 va
x=k (k>1). Goi V, 1a thé tich khoi tron xoay thu duoc khi quay hinh (H) quay truc Ox.
Biét ring V, = 7, hdy chon khéng dinh diing?

A. A<k <4. B l<k< C.2gk <3 D. 4<k<5.

[2D3-3] Thé tich V ctia khéi tron xoay dugc sinh ra khi quay hinh phang giéi han boi duong
tron (C):x" +(y —3)2 =1 xung quanh truc hoanh la

A.V=6r. B.V=67". C. V=37 D. V=67

[2D3-3] Thé tich ctia khdi trdn xoay tao thanh khi quay hinh (H) gi6i han boi do thi ham s6

y=+4x—x> vatruc hoanh quanh truc Ox bing

"
g, TE p, L0 . , S
3 3 3 3

[2D3-3] Cho hinh (H) 2101 han boi cac duong y =xInx, truc hoanh va duong théng x=g,
Thé tich hinh trdn xoay tao thanh khi quay (H) quanh truc Ox la

z(5e’ -2 z(5e’ -2 z(5e* +2 z(5e*+2
[2D3-3] Hinh phing (H) gi6i han béi cic dudng y=x’+1, tryc tung va tiép tuyén véi
y=x"+1 tai diém c6 toa do (1; 2) khi quay quanh truc Ox tao thanh khi tron xoay c6 thé tich

duoc tinh nhu sau:

A. iz'j;(x? +1) dr. B. :rj[(x? #1) =4 Jax.

C. xj(Zx)zdx. D. Jr_[[[él»_xz—(xz +])2]¢r.

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




44

TAI LIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG
Cau 153. [2D3-3] Tinh thé tich khoi tron xoay dugc tao nén boi phép quay xung quanh truc Ox cua mét

x—1 1

- s }'2—, le

hinh phang gi¢i han béi cac duong y =
X x
C. z(1-2In2). D. 0.

A. 7(2In2-1). B. -x.
Ciu 154. [2D3-3] Trong mit phang toa dd Oxy, cho hinh thang ABCD véi A(-1;2), B(5;5), C(5:0),
(=1;0) . Quay hinh thang ABCD xung quanh truc Ox thi thé tich khéi tron xoay tao thanh

D. 78x.

biang bao nhigu?
B. 74rx. C. 76x.

A N2rx.
Cau 155. [2D3-3] Thé tich khdi tron xoay khi quay quanh truc hoanh phin hinh phing gi¢i ban boi hai
duong y=x> va y=+/x I
A= B 2% 6. D, 35,
10 15 10 5
Cau 156. [2D3-3] Thé tich khéi tron xoay thu dwoc khi quay hinh phang giéi han boi cdc duong
y=+2-x, y=x, y=0 xung quanh truc Ox duoc tinh theo cong thirc nao sau day?
I 2 2
A,V =z[(2-x)dc+ 7| xdx. B. V=z(2-x)dx.
0 1 0

C.V =7£ixdx+7ri\32—_rdx.
0 1

1 2
D.V=z[xde+z[(2-x)dx.
0 1
Cau 157. [2D3-2] Cho d6 thi ham sé y = f(x). Dién tich hinh phang (phan t6 dim trong hinh dudi) Ia

BT |
J

|
ot |
I

II
24 1} |

|
/
|
| x
I I I I I - 3
8 & - 3 4 6 8
|
! 2
| a4

A. J%f(x)dx‘. B. _Tf(x]dx-i—if(x)dx.
C. if(x)dx-l—if(x)dx‘ D. fij(x}dx + j.f(x)dx‘

Ciu 158. [2D3-2] Goi S 1a dién tich hinh phang gi6i han boi db thi ham s6 y = f(x), truc hoanh, dudng

thang x=a, x=b (nhu hinh bén dudi). Hoi cach tinh § nio dudi day ding?

A.S:jf(x)dx+jf(x)dx. +y /\
B.S=jf(x)dx+j%f(x]dx. . Z
\4_}"():)

b . D.Szjf(x)dx.
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Ciu 159. [2D3-3] Tinh dién tich hinh phing gi6i han boi do thi (C):y

(€) tai diém c6 hoanh do bang —2.
A. 27. B. 21.
Cau 160.

bac ba y=ax’ +bx’ +cx+d va truc hoanh

A. S=£7z.

Ciau 161.

C.

[2D3-3] Goi S, Ia dién tich cta hinh phing gi6i han bai elip %+%

1, ;
—X —X vd
4

23. D.

tiép tuyén cia do thi

20.

[2D3-3] Tinh dién tich § cua phf“m hinh phﬁng gach soc (bén dudi) gidi han boi do thi ham $0

b

¥

-1 0 1 1

2

2

hinh thoi co céac dinh la dinh cua elip do6. Tinh ti s0 gitra S, vas§,.

2

T

3

T

S _

S,

S _

s

A. B.

Cau 162. [2D3-4] Mot sian choi cho tré em hinh
chir nhat c6 chiéu dai 100 va chiéu rong
la 60 m nguoi ta lam mdt con duong
nam trong sin (nhu hinh v&). Biét ring
vién ngoai va vién trong cua con duong
la hai duodng elip, Elip cua duong vién
ngoai co truc lon va tryc bé lan luot song
song voi cac canh hinh chir nhat va chiu

60m

rong cua mat duong la 2 m.

I va §,1a dién tich ctia

g T s
5, B S, 2
- ](}Om >
12m

-

L

Kinh phi cho mdi m” 1am duong 600.000 dong. Tinh tong s6 tién lam con duong dé. (SO tién

dwge Iam trdon dén hang nghin).
A. 293904000. B. 283904000.

[2D3-4] Mot san choi danh cho tré em

hinh chit nhit c6 chiéu dai 50m va |

Ciu 163.

chiéu rong 1a 30 m nguoi ta lam mot
con duong nam trong sin (nhu hinh v&). 30m
Biét rang vién ngoai va vién trong cua

con duong la hai duong elip va chiéu

- 9 - 1 by Y
rong cua mat duong la 2m.

C. 293804000. D.

50 m

283604000.

12111

A
J

Kinh phi dé lam mdi m’ lam dudng 500.000 dong. Tinh tdng s6 tién 1am con dudng d6. (S6

tién dugc lam tron dén hang nghin)
A. 119000000. B. 152000000
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Cau 164.

Cau 165.

Cau 166.

Cau 167.

Cau 168.

Cau 169.

[2D3-4] Goi V 1a thé tich khoi tron xoay tao thanh khi

quay hinh phing gi6i han boi cdc duong y =/x, y=0 y4

vi x=4 quanh truc Ox. Puong thang M
x=a(0<a<4) cit dd thi ham y=+/x tai M (hinh

vé bén). Goi V| 1a thé tich khéi tron xoay tao thanh khi a H
quay tam gidc OMH quanh truc Ox. Biét ring 0 K 4 X
V =2V,. Khi do

A a=2. B. a=2v2. C.a=§. D. a=3.

[2D3-2] Thay Tam lam mét cdi cira nha hinh parabol c6 chidu cao tir mat dat dén dinh 1a 2,25
mét, chidu rong tiép gidp voi mat dat 1a 3 mét. Gid thué mdi mét vudng 1a 1500000 dong. Vay
s0 tién Thay Tam phai tra la:

A. 12750000 dong. B. 3750000 ddng. C. 6750000 dong. D. 33750000 dbng.

[2D3-3] Mgt ddm vi triung tai ngay thit £ ¢6 s6 lugng 12 N (t). Biét ring N'(z)= 700;) va liic
t+

dau ddm vi tring ¢6 300000 con. Sau 10 ngdy, d4m vi tring ¢6 khoang bao nhiéu con?
A. 322542 con. B. 332542 con. C. 312542 con. D. 302542 con.

[2D3-3] C6 mot vét thé 1a hinh tron xoay ¢6 dang gidng nhu mdt cdi ly nhu hinh v& dudi day
4 em !

Nguoi ta do duoc duong kinh cua miéng ly 1a 4cm va i
chidu cao 1a 6cm . Biét ring thiét dién cua chiée ly cat
boi mit phing dbi xing 13 mot parabol. Tinh thé tich

1% (cm?’] ctia vét thé di cho.

A.V=12rx. B.v=12.
C.VZEJI. D.V:E.
3 5

[2D3-3] M6t manh vueon hinh tron tim O ban kinh 6m.
Nguoi ta can trong cdy trén dai dat rong 6 m nhan O lam tim
d6i xtng, biét kinh phi trng ciy 1a 70000 ddng/m”. Hoi cin
bao nhiéu tién dé trf"mg cdy trén dai dat dé6 (sb tién duge 1am
tron dén hang don vi)

A. 8412322 dong. B. 8142232 dong.

C. 4821232 dong. D. 4821322 déng.

[2D3-3] Mot khoi cau cé ban kinh 1a 5(dm), ngudi ta cit bo
hai phﬁin cua khdi cu bfmg hai mat phang song song ciing
vuong goc duong kinh va cach tam mot khoang 3(dm) dé lam

mot chiée lu dung nudce (nhu hinh v&). Tinh thé tich ma chiéc
lu chtra duogc.

A 2 (dm?) B. 2 (am')
C. 417 (dm’) D. 1327 (dm”’)
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Cau 170.

Cau 171.

Cau 172.

Cau 173.

Cau 174.

Cau 175.

[2D3-3] VOm cura 16n cua mot trung tam van hoa cé dang hinh parabol. Nguoi ta du dinh 1é'ip clra
kinh cho vdm cira nay. Hay tinh dién tich mat kinh can lf;p vao biét rang vom cira cao 8m va

rong 8m.
A. ﬁmz. B. EmZ. 1R ﬁmz‘ D. 2—6m3‘
3 3 3 3

[2D3-3] Trén cing mot mat phang, cho mé hinh gdm mot hinh vuéng ABCD c6 canh 2a va
duong tron c¢6 duong kinh AB. Goi M, N lan luot la trung diém cua AB, CD. Dién tich
toan phan ciia khoi tron xoay tao thanh khi quay mé hinh trén xung quanh truc MN 1a
A.V=10za’. B.V="77na". C. V=9za". D. V=87a’.

[2D3-3] Trong Cong vién Toan hgc c6 nhirng manh dit Ay
mang hinh ddng khdc nhau. Mdi manh dugc tréng mét
loai hoa va n6 dugc tao thanh béi mot trong nhirng
dwong cong dep trong todn hoc. O dé ¢6 mdt manh dat
mang tén Bernoulli, né dugc tao thanh tir dudng
Lemmiscate cé phuong trinh trong hé toa do Oxy la

16y” = x* (25— ") nhu hinh v& bén.

=y

Tinh dién tich § cta manh dat Bernoulli biét r.%mg moi don vi trong hé toa d6 Oxy tuong (ng
v6i chiéu dai | mét.

5 a2 ] r
A.Sz%(m‘] B.S=% (m’) C.§==—=(m?) D.S=—==(m?)
[2D3-3]Mot ngudi lam mot cai céng ¢6 xua c6 dang
Parabol nhu hinh v&. Hay tinh dién tich cua cdi cong? /-h\

C

=

3 /o
E / \

T

C. 16. ] 0 i

i = / \
3

B.

[2D3-3] bé trang tri toa nha nguoi ta vé 1én twong mot hinh nhu sau: trén méi canh hinh luc
gidc déu c6 canh 1a 2dm 12 mot cdnh hoa hinh parabol ma dinh parabol (P) cdch canh luc
giac 12 3dm va nam phia ngoai hinh luc gidc, 2 dau miit ctia canh ciing Ia 2 diém gi6i han cua
duong (P) d6. Hay tinh dién tich hinh trén (ké ca luc gidc).

A. 6V3+24(dm*).  B.6V3+12(dm*).  C.8/3+24(dm?). D.8/3+12(dm?).

[2D3-3] Cho hai duong tron (0,:5) va (0,:3) cit nhau tai hai
diém A, B sao cho AB 1a mot dwong kinh ciia duong tron

(0,). Goi (D) Ia hinh thing dwgc gidi han boi hai dwong tron

(6 ngoai duong tron 16n, phin dwoc gach chéo nhw hinh vé).
Quay (D) quanh truc 0,0, ta dugc mot khdi tron xoay. Tinh

thé tich V cua khdi tron xoay dugc tao thanh.

A.V=MT”. B.V=6ST”. C.vzmT”. D. V =367.
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Cau 176.

Cau 177.

Cau 178.

Ciu 179.

Cau 180.

[2D3-4] Nguoi ta trﬁng hoa vao phﬁn dat duoc t6
mau den duoc gidi han boi canh AB, CD, dudng
trung binh MN ctia manh dit hinh chir nhat M N
ABCD va mét duong cong hinh sin (nhu hinh vé). )
Biét AB=2x(m), AD=2(m). Tinh dién tich D -3
phan con lai.

A. 4z—1. B. 4(7-1). C.4zx-2. D. 47-3.

A B

[2D3-4] f)ng An c6 mot manh vuon hinh Elip c6
do dai truc 1on béng 16m va do dai truc bé
béng 10m. Ong muon trf’mg hoa trén mot dai dat

rong 8m va nhn truc bé cua elip lam truc doi 8m

xirng (nhu hinh v&). Biét kinh phi dé trong hoa la
100.000 dong/1m”. Hoi 6ng An can bao nhiéu
tién dé trong hoa trén dai dit d6? (S6 tién duoc
lam tron dén hang nghin.)

A. 7.862.000 dong.  B. 7.653.000 dong. C. 7.128.000 dong. D. 7.826.000 dong.

“-q.____-_________.—"

[2D3-4]Goi (H) 1a phan giao cua hai khéi % hinh

tru ¢6 ban kinh a, hai truc hinh tru vudng goc voi
nhau. Xem hinh v& bén. Tinh thé tich ctia (H).

2a’ 3a’
A'V(HII=T' B. ViH}:T'

a’ ra’
Cn ‘,::H}:?' Dc ‘/{H]= 4 .

[2D3-4] Ong An mudn lam cira rio sit ¢6 hinh dang va kich thudc nhu hinh v& bén, biét duong

cong phia trén 1a mét Parabol. Gid l(mz] clia rao sat 13 700.000 dong. Hoi 6ng An phai tra

" Sm ;
A. 6.520.000 dong.  B. 6.320.000 dong.  C. 6.417.000 dong. D. 6.620.000 dong.

[2D3-4] Ong B ¢6 mdt khu vudn gi¢i han bai mdt duong parabol va mot duong thing. Néu dat
trong hé toa dd Oxy nhu hinh v& bén thi parabol c6 phuong trinh y=x* va duong thang la
y=25. Ong B dy dinh diing mét manh virom nhé duge chia tir khu vuon bai mot dwong thang
di qua O va diém M trén parabol dé trong mot loai hoa. Hay gitip 6ng B xdc dinh diém M

bang cach tinh do dai OM dé dién tich manh vudn nho bang % :

A. OM =245 . B. OM =15. C. OM =10. D. OM =310
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Cau 181.

Cau 182.

Cau 183.

Cau 184.

[2D3-4] Trong chuong trinh ndng thon mdi, tai mot xa X c6 xdy mot cay cau bang bé téng nhur
hinh vé. Tinh thé tich khoi bé tong dé d6 du cay cau. (Duong cong trong hinh v& la cac duong
Parabol).

O,Sm 19m 0,5m |
A. 19m’. B. 2Im’. C. 18m’. D. 40m’.
[2D3-4] Ban A ¢6 mot (céc thay tinh hh}h tru, duong
kinh trong long ddy coc 1a 6cm, chiéu cao trong &
long coe Ia 10cm dang dung mot lugng nudc. Ban
A nghleng coc nudce, vira lic khi nwde cham mi¢ng fﬁ,_.,x!"f“\

coc thi & ddy muc nude tring voi duong kinh day. N
Tinh thé tich lugng nwdc trong cde.

A. 60cm’. B. 15z7cm’.
C. 70cm’. D. 60zcm’.
[2D3-4] Cho hinh tron c6 ban kinh bé’mg 2 va hinh vuong
6 canh bang 4 duoc xép chong 1én nhau sao cho dinh X
cua hinh vudng la tdm cua hinh tron (nhu hinh vé bén). Tinh
thé tich V cua vat thé tron xoay khi quay mé hinh trén xung

quanh truc XY . 2
32(ﬁ+1)z 8(sv2+3)7

A. V=f B. V=f
8(5v2+2)7 8(av2+3)x

C.V= D.V= Y

T Na\\\ 3
[2D3-4]Vit thé hinh dia bay (UFO) c6 thiét dién qua tim ddi x¢mg va hinh chiéu mit trén theo
phwong thing ding nhu hinh v&. Hay tinh thé tich cua vat thé nay biét AB=EF =10m,
GH =6m, CD=8m.

A 112z7m. B. %ﬂ' C. %ﬁma. Lis m’.
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Cau 185.

Cau 186.

Céiu 187.

Cau 188.

Cau 189.

Cau 190.

Cau 191.

Cau 192.

)
-3

u 193.

[2D3-1] Mot chit diém chuyén dong trén truc Ox voOi van toc thay doi theo thoi gian
v(t)=3t* =6t (m/s). Tinh quing duong chat diém d6 di duge tir thoi diém £, =0 (s), £, =4 (s).
A. 16. B. 24. C. &. D. 12.

[2D3-2] Ban An ngdi trén mdy bay di du lich thé giéi van tdc chuyén dong cia mdy bay 1a
v(1)=3* +5(m/s). Quing dudng miy bay di dugc tir gidy thir 4 dén gidy thir 10 Ia

A. 996 m. B. 876 m. C. 966 m. D. 1086 m.

[2D3-2] Mot vat chuyén dong véi van tdc thay doi theo thoi gian dugc tinh boi cong thic
v(t)=5t+1, thoi gian tinh theo don vi gidy, quang duong vt di dwrge tinh theo don vi mét.
Quang duong vat d6 di dwoc trong 10 gidy dau tién la:

A. 15m. B. 620 m. €. 5] mi D. 260m.

[2D3-2] Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van tée v, (1) =7r(m/s). Di duoc
5(s). ngudi ldi xe phat hién chwdng ngai vat va phanh gap, 6 t6 tiép tuc chuyén dong cham dan
déu véi gia toc a=-70(m/s’). Tinh quang duémg S (m) di duoc cua 6 to tir lic bat dau
chuyén banh cho dén khi dirng han.

A. §=95,70(m). B. §=96,25(m).  C.$=87,50(m). D.S5=94,00(m).

[2D3-2] Mot 6 td dang chay véi van tdc 10m/s thi ngudi 1ai dap phanh. Tir thoi diém d6 6 t6
chuyén dong cham dan déu véi van téc v(r) =10-5¢ (m/s) véi ¢ 1a khoang thdi gian tinh bang

gidy, ké tir liic bat diu dap phanh. Tinh quang duong di dugc ctia 6 t6 tir lic dap phanh dén khi

dirng han.
A.10m. B. 20 m. C.2m. D. 0,2m.
i ! 2 s ! i ik —20 2\ s
[2D3-2] Mdt hat proton di chuyén trong dién truong c¢é gia toc a (r)= ( ), (cm/s ) voi 1
2t+1)
tinh bang gidy. Tim ham vin toc v theo ¢, biét rang khi =0 thi v=30cm/s.
A =22 430, R c. 12 120 D. (20+1)" +30.
2t+1 2t+1 2t +1
[2D3-2] Gia st mét vat tir trang thdi nghi khi 7=0 (s) chuyén dong thang voi vén tde
v(1)=1(5-1) (m/s). Tim quang duong vét di duge cho tdi khi n6é ding lai.
A. 20,8 m. B. 20,83 m. L. et m. D. 20,83333 m.
[2D3-2] Mét vat chuyén dong theo quy ludt s =—7°> +6:%, véi ¢ (gidy) la khoang thoi gian tinh

tir lic vt bat dau chuyén dong va s (mét) 1a quing duong vat di duge trong thoi gian d6. Ké tir
ldc bit dau chuyén dong dén lic van toc dat gid tri 1on nhét thi quang dwong vat di duoc 12 bao
nhiéu?

A.12m. B.16 m. C. 20 m. D. 24 m.

[2D3-2] Trong mot dot xa 1t, nha may thuy dién da xa I trong 40 phat voi toc do huu lrong
nuée tai thoi diém ¢ gidy la v(1)=10r +500 (m“fs). Hoéi sau thoi gian xa 1i trén thi hd thodt
nuoc cua nha mdy da thodt di mét lugng nwdc la bao nhiéu?

A. 5.10* (m?). B. 4.10° (m’). C. 3.10" (m*). D. 6.10° (m*).
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Cau 19%4.

Ciu 195.

Ciu 196.

Cau 197.

Cau 198.

Céiu 199.

Cau 200.

[2D3-2] Mot vat chuyén dong voi van toc thay d6i theo thoi gian dugc tinh boi cong thirc
v(t)=3t+2, thoi gian tinh theo don vi gidy, quiang duong vat di dugc tinh theo don vi mét.
Biét tai thoi diém 1 =2s thi vat di duoc quing dudng 1210 m. Hoi tai thoi diém 7 =30s thi vit
di dugc quang duong la bao nhiéu?

A. 240m. B. 1140 m. C. 300m. D. 1410m.

[2D3-3] Mot vat chuyén dong cham dan déu véi van toc v(t)=30-2¢ (nv/s). Hoi trong Ss
trwde khi ding han, vat di chuyén dong duoc bao nhiéu mét?

A. 50 m. B. 225 m. C.125m, D. 25 m.

[2D3-3] Mgt vin dong vién dua xe F dang chay v6i van toc 10(m/s) thi anh ta ting toe Vi
gia tdc a(r) =6I(M52), trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lic ting toc. Hoi
quing duong xe cla anh ta di dugc trong thoi gian 10(s) ké tir lic bat dau ting toc 1a bao
nhiéu?

A. 1100m. B. 100m. C. 1010m. D.1110m.

[2D3-3] Mot vat chuyén dong cham dan voi van tdc v(1) =160-10z (m/s). Tim quiang duong
S ma vét di chuyén trong khoang thoi gian tir thoi diém 1 = 0(s) dén thoi diém vat dung lai.

A. §=2560 m. B. S =1280m. C. §=2480m. D. §=3840m.
[2D3-3] Ban Minh ngéi trén mdy bay di du lich thé gi6i va vén tde Chuyén dong cua may bay la
v(1)=31*+5 (m/s). Tinh quing dudng mdy bay di duoc tir gidy thir 4 dén gidy thir 10,

A. 246 m. B. 252 m. C.1134m. D. 966 m

[2D3-3] Mot 6t6 dang chay véi van tée 19m/s thi nguoi 14i hdm phanh, 6t6 chuyén dong chim
dan déu voi van toc v(t)=-38t+19(m/s), trong dé ¢ la khoang thai gian tinh bang gidy ké tir
lic bit diu ham phanh. Hoi tir lic him phanh dén khi dimg hin, 6t6 con di chuyén bao nhiéu
meét?

A. 4,75m. B. 4,5 m. C. 4,25 m. D. 5m.

[2D3-3]M5t vién dan duge bén theo phuong thing dimg véi vén toe ban ddu 29,4 m/s. Gia toc
trong trudong 1a 9,8 m/s*. Tinh quang duong S vién dan di duge tir lic bén 1én cho dén khi

cham dét.
A. $=88.2m. B. 5 =88,5m. C. $=88m. D. $=89m.
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Cau 201.

Cau 202.

Cau 203.

Cau 204.

Cau 205.

Cau 206.

Cau 207.

Cau 208.

[2D3-3] Mot vat chuyén dong trong 3 gity voi van toc v(kmv/h) v

phu thuoc thoi gian t(h) c6 do6 thi 1a mot phﬁn cua duong parabol 9 |- .1

c6 dinh 7(2:9) va tryc d6i xirng song song véi truc tung nhur hinh /‘\:

bén. Tinh quing duong s ma vt di chuyén duoc trong 3 git dé. 64 | :

A. 5=26,75(km). ‘:

B. s=25,25(km). 5

C. 5=24,25(km).

D. 5s=24,75(km). Ozl—;;
[2D3-3] Mot chat diém dang cuyén ddng voi van tde v, =15m/s thi ting van toc voi gia toc

a(t)==¢ +4r(m/32). Tinh quang dwong chat diém dé di duoc trong khoang thoi gian 3 gidy

ké tir Iic bat dau tang vén toc.
A. 68,25 m. B. 70,25 m. C. 69,75 m. D. 67.25m.

[2D3-3] Mot vat chuyén dong véi van toe v(r) (m/s) ¢ gia toe v’(:)=:31(mfsf). Van tdc

ban dau ctia vt 12 6m/s. Tinh van tdc chia vat sau 10 gidy (1am tron két qua dén hang don vi).
A. v=10(m/s). B. v=8(m/s). C. v=15(m/s). D. v=13(m/s).

[2D3-3] Mot vat chuyén dong voi van téc 10m/s thi tang toc voi gia tc duge tinh theo thoi gian
r 1a a(r)=3r+7". Tinh quing duong vat di duoc trong khoang 10s ké tir khi bt ddu tang tdc.
3400 4300 130

A.——m. B. m. G.—m. D. 130m.
3 3 3

[2D3-3] Mot vat di chuyén voi gia téc a(r)=-20(1+2¢) " (m/s*). Khi +=0 thi van toc cla
vat bang 30 m/s. Tinh quang duwong vat dé di chuyén sau 2 gidy (lam tron két qua dén hang
don vi).

A. 48 m. B. 68 m. C. 108 m. D. 8m.

[2D3-3] Mot chit diém dang chuyén dong vai van tbc v=30 (m/s) thi dot ngot thay doi gia
toc a(r)=4—t (m/s*). Tinh quang dugc di duge cia chat diém ké tir thoi diém thay déi gia
tdc dén thoi diém vén téc 16n nhat.

A. % (m). B. 4§4 (m). C. ?(m). D. 63—4(111).

[2D3-3] Mot vét chuyén dong véi gia toc a(r) =-20(1 +2r)m2 (m/s”). Khi =0 thi van tdc cua
vat Ia 30(m/s) . Tinh quing duong vét d6 di chuyén sau 2 gidy (mla mét, s la gidy).

A. 46 m. B. 48 m. C. 47 m. D. 49 m.

[2D3-:3] Tai m§t noi khong co gio, mot chiéc' khi cau doang dirng yén ’c"x do cao ]3‘52 (mét) so vGi
mat dat da dugc phi cong cai dit cho né ché d¢ chuyén dong di xuong. Biét rang, khi cau da
chuyén dong theo phwong thing dimg véi van tdc tudn theo quy luat v(t) =10 - trong do6 ¢
(phuit) 1a thoi gian tinh tir ldc bit diu chuyén dong, v(z) duge tinh theo don vi mét/phiit (m/p ).
Néu nhu vay thi khi bt dau tiép dat van toc v cia khi cau Ia

A. v=5(m/p). B. v=7(m/p). C. v=9(m/p). D. v=3(m/p).
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Cau 209.

Cau 210.

Cau 211.

Cau 212.

Cau 213.

Cau 214.

[2D3-3] Mot 6t6 dang chay thi nguoi lai dap phanh, tir thoi diém dé, 6to chuyén dong cham
din déu vai van toe v(r)=—12t+24 (m/s), trong d6 ¢ la khoang thai gian tinh bing gidy, ké tir
liic bat diu dap phanh. Hoi tir lic dap phanh dén khi dirng hin, 6t6 con di chuyén bao nhiéu
mét?

A. 18 m. B. 15m. G 20 m, D. 24 m.

[2D3-3]Mot vat chuyén dong trong 4 gidy véi van toc v(km/h) phu thude thoi gian 7(h) c6 do
thi ctia van tde. Trong khoang thoi gian 3 gior ké tir khi bat dau chuyén dong, do thi dé 1a mét
phan ctia duong Parabol ¢6 dinh 1 (2;9) véi truc d6i xtrng song song vai truc tung, khoang thoi
gian con lai d6 thi la mot doan thing song song vdi truc hoanh. Tinh quing duong s ma vat
chuyén dong trong 4 gio do.

A. 5=26,5(km) B. 5 =28,5(km). C. s=27(km). D. s =24 (km).
[2D3-4]Mot nguoi lai xe 0 t6 dang chay voi van toc 20 m/s thi nguoi lai xe phat hi¢n cé hang
rao ngan dudong & phia trrde cdch 45m (tinh tir vi trf diu xe dén hang ro) vi vdy, ngudi l4i xe
dap phanh. Tir thoi diém d6 xe chuyén dong cham dan déu véi van tée v(r)=—5t+20 (m/s),
trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir Itic bat dau dap phanh. Hoi tir ltic dap phanh
dén khi dimg hin, xe & t6 con cich hang rao ngin cich bao nhiéu mét (tinh tir vi tri déu xe dén
hang rao)?

A.5m. B.4m. C. 6m. D.3m.

[2D3-4] Mot 6t6 dang chay déu véi van tée 15 m/s thi phia trudce xuat hién chudng ngai vat nén
nguoi 14i dap phanh gdp. Ké tir thoi diém d6, 6t6 chuyén dong cham dan déu voi gia toc —a
m/s”. Biét 6t6 chuyén dong thém dwoc 20m thi ding hin. Hoi a thudc khoang nao dudi day.

A. (3:4). B. (4:5). €. (5:6). D. (6:7).

[2D3-4] Nguoi ta thay nwoc moi cho mot bé boi dang hinh hop chtr nhat c6 do sau

h, =280cm. Gia su h(r) cm la chiéu cao cia myc nude bom duge tai thoi diém 7 gidy, bét

- A A - - A - . sa - 5 4 l 3 % A -

rang toc d§ tang cua chiéu cao nudc tai gidy thir ¢ 1a 4'(1)= %«W +3 . Hoi sau bao lau thi
: B o e iR

nude bom dugce E do sau caa ho boi?

A. 7545,2s. B. 7234,8s. C. 7200,7s. D. 7560,5s.

[2D3-4] Mot nguoi chay trong thoi gian 1 gio, van tbe v (km/h)

phu thudc vio thoi gian 7 (h) c6 d6 thi 1a mdt phan parabol véi 8 |7
dinh ](%; 8) va truc dbi xurng song song voi tryc tung nhu hinh

bén. Tinh quang duong s nguoi d6 chay dugc trong khodng thoi

gian 45 phit, ké tir khi chay. i
A. s=4 (km). B. s=2,3 (km). C. s=4,5 (km). D. s=5,3 (km).
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Cau 215. [2D3-4] Hai 6 t6 xuat phat tai cing mot thoi diém trén cung doan duong théng AB, 0 to tht
nhat bat dau xudt phdt tir A va di theo huéng tir A dén B véi van toc v, (1)=2¢+1(km/h); 6

t6 thtr hai xuat phat tir O cich A mot khoang 22 km va di theo hudng tr A dén B véi van
téc 10km/h, sau mot khoang thdi gian ngudi 1di dap phanh; tir thoi diém d6, 6 t6 thir hai
chuyén dong chim dan déu véi van toc v, () =—5t+20(km/h). Hoi sau khoang thoi gian bao
lau ké tir khi xuat phét hai 6 t6 d6 gap nhau.
A. 6h. B. 8h. C..Th. D. 4h.

Ciu 216. [2D3-2] Tinh thé tich V coa phan vat thé giéi han boi hai mit phing x=1 va x =3, biét ring

khi cdt vat thé boi mét phang tuy ¥ vudng géc voi truc Ox tai diém c6 hoanh do x (lﬁ X< 3)

thi dugc thiét dién 12 mot hinh chit nhét c6 hai canh 12 3x va V/3x* =2,
1247 124

A.V=32+2415. B.V:T. C.V:T. D.V=(32+2V/G)7r.

Cau 217. [2D3-2] Mot vat ¢6 kich thude va hinh ddng nhu hinh v& dudi day. Ddy la hinh tron giéi han
boi duong tron x” + y* =16 (ndm trong mat phing Oxy ), cit vat boi cdc mit phang vudng géc

v6i truc Ox ta duoc thiét dién Ja hinh vuéng. Thé tich cua vat thé la:

A. j47rx2dx. B. j4x?¢r. o j4(lﬁ—x3)dx. D. [47(16—x")dx.
—4 4 -4
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BANG PAP AN TRAC NGHIEM
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Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 5.

Bai 6.

Bai 7.

Bai 8.

Van dé 4. NGUYEN HAM - TIiCH PHAN
TRONG CAC PE THI PH - CP - THPTQG

PHAN 1 - CAC PE TU LUAN TRUOC 2017

I - NGUYEN HAM
o = 1—x
Tim ho nguyén ham: jxln (—}ix
1+ x
) : % =% 1 1~
DH Hang hai — 98 S —In[—]+—ln[—]—l+€
2 1+x/) 2 1+x
dx
Tim ho nguyén ham; | ———
e jsin2x—25inx
PH Hang hdi — 99 ps: Lin [coﬁ f]+ L it
8 2) 8
Tim ho nguyén ham ctia cdc ham s6 sau: a) f (x :M b) f(x xlcosilr
sin x+cos x sin x+cos x
DH Ngogi thuong — 99 DS: a) —In ‘sin x4+ cos x‘+ C b)sinx+cosx+C
5 s sin(CH-x) pi s g & !
Tim ho nguyén ham: j—zdx, voi o la hdang so.
COos™ X
DH Xay dung HN — 99 py; S0, LES0x POSE b
2 l-sinx cosx
Tim h¢ nguy&n ham: j : dx.
ﬁ—sinx—cosx
P | X 7
PH Bdch khoa HN — 00 DS: ———=cot (——k —j +C
2 2 8
Tim ho nguyén ham: I * 1 dx
' ' (x2+5x+l)(f—3x+1)
DH QG Ha Néi — HV Ngan hang khdi A - 01 Bss ——a|* 2R
8 |x =3x+1
Tim ho nguyén ham: jtan [x+%)cot[x+%]dx
; 1 | 3t
PH QG Ha Noi — HV Ngan hang khdi D — 01 ps: x+ L[l Blanz|
\5 1— \/Z‘; tan x

Tim ho nguyén ham: jcotj [2x+%]dx

PH Cong doan — 01 DS: ﬂ%cot[lx +%)~x+€
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xdx
Bai9.  Tim ho nguyén ham: _[ -
Vx+

3 z 3 2
DH An ninh - 01 DS —(x+1)(x+1) —=3(x+1) +C
; (e 1)+ 1) =S (x+1)
cotx
Bai 10. Tim ho nguyén haim: | ———dx
i I]+singx
9
PH Ngoai thuong CSH — 01 ps: 1| SY 1, e
9 |I+sin” x
e 2 +3x2+3x-1 _ 1
Bai 11. Tim nguyén ham F ctia him s6 biét F(1)=—
guy (+) fla)=t = ()=3
X i e 2 13
Tot nghiep THPT —03 DS: F(x)=—+x+———
2 x+1 6
Bai 12. Tim nguyén ham: [ = j"x+
CD SP Ha Nam — 04 DS: 2r+Injt—1|-In|t+1|+C
. o (J¢f+3)5
Bai 13. Tim nguyén ham: f(x)= -
x—17)
CD Tai chinh ké todn IV — 04 DS: —a("ﬁ-:i] +C
Il - TICH PHAN
Bai 14. Cho ham s6 f(x):iz+£+2. Tim a va b biét ring f(;] —4 va jf =2-3mn2.
XX
2
DH Beich khoa HN — 94 PS-a=il b= 3

b

Bai 15. Chohamsd f(x)=asin2x—bcos2x. Tim a va b biét ring f’(%}:-z va jadx=1.

DH M7 thuat Cong nghiép — 99 DSra=1,b=-3
Bai16. Cho f(x)=3x"—x"—4x+1va g(x)=2x"+x"-3x—1

a) Giai bat phuong trinh: f(x)> g(x). b) Tinh tich phan: [ = j; \f (x)—g(x)\dx
e

PH QG TpHCM khéi D — 99 PS:a) —-1<x<lvx=2 b)%
Bai 17. _4‘(;11

DH Can Tho — 00 ps: 4+ﬁ
Bai 18. Tinh tich phan: / =dex

0
DH Ky thugt Coéng nghiép — 01 DS: 42
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Bai 19. Tinh tich phan: [ = imdx
]
DH Su pham Vinh khéi D — 01 Ds: 24/2-2
Bai20. Tinh tich phan: [ = 1[(1—x— ) dx
]
DH Ngogi ngir HN — 01 DS: 11/30
Bai 21. Tinh tich phan: [ = _][x\x —m|dx tly theo m
]
DEY dive ToHOM — 01 BS: w31 T=22 "2 ncgif =2"%; 0. 1y re T RS

3
Bai22. Tinh tich phén: = [|x* - 2x+m|dx
1

a) Tinh I voi m=1.
CD Sw pham Hai Phong — 04
5
Bai 23. Tinh tich phén: | = I(‘x+2‘ —‘x—2‘]dx

-3

CD Giao Thong — 04
Il - CAC PHUONG PHAP TINH TICH PHAN
. Phutng phdp déi bién s6

1 ;
Bai 24, Tinh tich phn: [ = [ ——
[,(x-H)

DH Thuy san Nha Trang — 97
Bai 25. Tinh tich phén: [ = _][(ez"' —7sin Jr,x)d.x
i]
DH Van Lang — 97
Bai 26. Tinh tich phan: I = sz (1+x°)" dx
0

DH Mo HN - 99

1 X

Bi27. Tinh tich phan: I, = [

X
E +1

CD Kinh té Déi ngoai — 99

WJinx

X

Bai28. Tinh tich phan: / = [ dx
1

DH Da lgt — 99
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13 2
Bai29. Tinh tich phan: [ = [* 2 10
s X H2x+9
DH Ngogi thuong — 00 PS: —+—=In—
Bai 30. Tinh tich phan: I = | e S
] X
DH Ky thudt cong nghé — 00 DS: 4/3
1 e.r
Bai 31. Tinh tich phan: [ = f —dx
S e e
CP Giao thong Vén tdi - 01 ps: éln i
%
Bai 32. Tinh tich phan: | = Iln (1+ tan x)dx
0
" " T
PH Thiiy lgi — 01 DS: <in2
t a—x 1
Bai 33. Tinh tich phan: | = —-dx (véi a, b la cdc tham 50 duong)
ola-+ :cg
T b
HV K7y thugt qudn sw — 01 DS: :
a+b
1 3
Bai 34.  Tinh tich phan: / = | *dx
x &+
Du bi 2 PH Khéi D — 02 DS: 1_;“ 2
T xsinx
Bai 35. Tinh tich phan: [ = [——5—
Slticas™x
CD SP Binh Phudc — 04 DS: n/4
1
Bai 36. Tinh tich phén: 1 = | e
s 1t+e
2e
CD SP Kon Tum — 04 DS In—
l+e
2 x4
Bai 37. Tinh tich phan: [ = | dx
0 Xj +1
CP Kinh té K7 thudgt — 04 DS: %(ﬁ—])
t xdx
Bai 38.  Tinh tich phén: [ = |
1 V2x+2

Duw bi 1 PH Khoi A — 08
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.
Bai 39. Tinh tich phén: I = J-[cos‘] x—l)cos2 xdx
DH Khdi A - 09 agy 2 &
15 4

Bai 40.

Bai 41.

Bai 42.

Bai 43.

Bai 44.

Bai 45.

Bai 46.

Bai 47.

Bai 48.

Bai 49.

3
Tinh tich phan: I = | - :
e =
1

DH Khoi D — 09

1 2 X 2.x
Tinh tich phén: [ =Ix ud e

s 1+2e
PH Khoi A — 10
Tinh tich phan: [ = jl“iqux
1 x(2+1nx)”
DH Khoi B— 10

xsinx+(x+1)cosx

Tinh tich phén: I = _
X8in x + cos x

e Ll |

PH Khoi A — 11

1
Tinh tich phan: 1 = [xy2-x’dx

]

DH Khoi B 13

2
+1
Tinh tich phén: I = I ) dx
> X+

DH Khéi D — 13
=j__dx
L +2%—1

CP Khéi A, A, B, D — 13

Tinh tich phan: I

Tinh tich phan: [ = [ X" X +3xtl,
| x +x

DH Khoi B — 14

2 2
Tinh tich phn: [ =de}:
X
|

CP Khéi A,AlLB,D— 14
3

Tinh tich phan: [ = j3x(x+ Jx+16 ) dx
0

THPTQG — 16
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B. Phubng phdp da thit déng nhat

1

Bai 50. Tinh tich phan: [ = [#
x +4x +3

0

DPH M6 - Dia chat — 95
Bai51. Tim A, B saocho véi moi x# 2 va x# 3 tacé:

5
Tir 46 tinh tich phan: | ki
X —=3x+0

DH Ky thudt cong nghé — 98

1
dx
Bai 52.  Tinh tich phén: [ = [ 5——
A e
CD Su pham — 98
Bai 53. Cho ham s6: y :zxi co tap xac dinh D.
X +3x+2

A B
a) Tim a, b saocho: y=——+——, Vxe D.
x+1 x+2

e 4+ 3e
b) Tinh tich phan: 7= [ ————dx
1€ +3k +2

CD Su pham TPHCM — 00

1
Bai 54. Tinh tich phan: ’=Jlidxa
X

0

DH Xday dung HN — 00

1
Bai 55.  Tinh tich phan: /= | X
=i

CDDL K5 nghé — 00

|
Bai 56.  Tinh tich phan: /= [—
& +3

DH Céng doan — 00

dx
241

1
Bai 57.  Tinh tich phén: [ = |
0

CD Kinh té doi ngogi — 01
1
d
Bai 58. Tinh tich phan: [ = j #
X' —-x"=12

-1

DH Xay dung HN — 01

File word lién hé: toanhocbactrungnam@ gmail.com

= +
5x+6 x-2 x-3

DS: %(3\/5 ~2)

DS: In6

DS: —zln 2
3

PS: lnZ
16

pS: n2+7/\3

B i
l+e

pS: L1 —3€
6 e +3
gy 3203
In2
ps: 21>
74

MS: GT12-C3
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Bai 59.

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Bai 64.

Bai 65.

Bai 66.

Bai 67.

Bai 68.

Bai 69.

1
i R A 2 |4x—1|
Tinh tich phén: 1 =jmdx
X —3Xx

0

DHDL Phirong Pong — 01

i
Tinh tich phan: [ = [ ( dxz ;
S+ x

DH Néng nghiép [ HN — 01

1_+w."'§
2 2
Tinh tich phan: 1= | .t SN
X —x"+1

[
DH Thdi Nguyén — 01
7

Tinh tich phan: [ = [ lf—zﬂtd.r
5 +x —2Zx

CD Su pham Nha Trang — 02

fxt—x+l
Tinh tich phén: I = [ ~———dx
0 X +4

Dy bi 2 DH Khoi A — 04

\3
Tinh tich phan: 1 = | e

Dy bj 1 PH Khéi B - 04

x+x°

1
Tinh tich phan: [ = [ L
S 2%+ 58+2

CD Khoi A — 04

2 32
Tinh tich phan: [ = j[x"l] dx
i e )

CD SP Ninh Binh — 04

1
Tinh tich phén: I =
{[(x+])

CP Luong thie Thue pham — 04

In3 dx
Tinh tich phén: /= [ ————
e'+2e7" =3

In3

X

dx

2

DH Khoi B— 06

1
-
Tinh tich phan: [ = [ )
0

Dut bi [ BH Khoi D — 07

File word lién hé: toanhocbactrungnam@ email.com

PS: 10n3 + 19In2 — 14In7

DS: /4

B3 l[Ing—ij
4 3 240

ps:

ps:

DS: _—lm 2

DS: 39/4-61n4
DS: In2-1/2
DS: In(3/2)

DS 1+In 2—%ln3
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TAI LIEU HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 8

Bai 70.

Bai 71.

Bai 72.

2x—1

1
Tinh tich phan: | =j

dx
5 x+1
CD Khoi A, B, D — 10 DS: 2 —3In2
Tinh tich phan: 1 = [ it
] x(x+1)
CHD Khoi A, B, D — 11 bS: In3
1 3
E
Tinh tich phén: I = ——
P '[[x4 +3x° 42
DH Khéi B 12 DS: In3 —%m 2

C. ‘Phuvng phdap ham a6 lisyng gidc

Bai 73.

Bai 74.

Bai 75.

Bai 76.

Bai 77.

Bai 78.

-

Tinh tich phan: I = | cos 2Jc(sin4 x+cos” x)dx

= 1]

DH Bdch khoa HN — 98 DS: 0
Tinh tich phan: I = I |cos x| /sin xdx
0

DH Bdch khoa HN — 98 DS: 4/3

Cho hai ham s6: f(x)=4cosx+3sinx; g(x)=cosx+2sinx

r

o I
a)Tim A, B dé g(x)=Af(x)+B.f(x).  b)Tinh 1=jfcix§¢r.
s
0
DH Xay dung HN — 98 PS:a)A=2/5B=-1/5b) i—l]I‘IL
10 5 442
2) Tim A, B 4 h(x)= sin2x e Acosx 4 Bccfs.x
(24sinx)” (2+sinx)” 2+sinx
0
b) Tinh /= [ A(x)dx.
7
DH Bdach khoa HN — 99 PS:a)A=-4;B=2b)I=2in2-2
% id
Tinh tich phan: a) / =isini’.x(l+sin2 x)gdx ) Izjsin xcos x (14 cos x)zdx
0 0
DH Theiy san Nha Trang — 99 BS:a) 15/4 b)17/12

ir
a) Cho hai s6 nguyén duong p va ¢. Tinh /= Jcos px.cos gx dx trong hai truong hop: p=gq
0

vVl p#q.
b) Cho cic so6 thyue a,, a,, a;, ..., a,. Gid st a,cos x+a, cos2x+...+a,cosnx =0 voi moi

xe[0;27z]. Hay sir dung két qua trén dé tinh a,, @, a5, ..., @

i

DH Quéc gia TPHCM kh6iA—-99  DS:a) p=q:1=m p#q:1=0b) q,=a,=..=a,=0

n

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3




GV. TRAN QUOC NGHIA - suru tdm va bién tap 9
Bai 79. Tinh tich phin: [ = j‘e sinxcos’ xdx
0
PH Kién tric HN — 99 bs: (e-2)/2
4
Bai 80. Tinh tich phan: [ = Isin“xdx
]
S 2 3r—8
DH Quoc gia TPHCM khoi A — 00 DS: =
Bai 81. Tinh tich phan: I = j cos” xdx
0
PH Quéc gia TPHCM khéi A — 00 bS: 37/8
Bai 82. Tinh tich phan: I = Jcos3 xcos Sxdx
0
PH Hong Pirc — 00 PS: 0
il
I b
Bai 83. Tinh tich phin: /= [~~~ dx
T SIN X +COos X
3
PH Pa Nang — 00 PS: %m 2
T T
¢ : : F dx
Bai 84. Tinh tich phin: a) / = j«/mr x+cot’x—2dx b) I =I
# Esinxsin(x—%-ﬂ-]
(i} (] 6
; . £ 4 3
PH Mo - Dia chat — 00 DS: a) lng b) 21n5
im
&
Bai 85. Tinh tich phan: /= [ — —dx
= sin” 2x
8
CP Su pham Vinh — 01 DS: 4
T
. % tan’ x
Bai 86. Tinh tich phén: / = | dx
) COs 2x
DH Kinh té — 01 Bl
6 2 3
2 4cos° x
Bai 87. Tinh tich phan: / = f > 2 dx
y 1+sin x
DH Van Lang — 01 bs: 2
Bai 88. Tinh tich phan: = [cos® xdx
0
DH DL Binh Duong — 01 DS: 8/15

File word lién hé: toanhocbactrungnam@ email.com
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TAILIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 10
: dx
Bai 89. Tinh tich phan: = | :
o (sinx+2cosx)
DH Su pham TPHCM — 01 DS: 1/6
2 I+ i I+cos x
B2i 90. Tinh tich phan: 1 = | j
A I+ cos x
DH Su pham Vinh — 01 DS: JnE
c
5
Bai 91.  Tinh tich phan: /= | __ G
, 4sin” x—3
R B 3-1
DH DL Ngoai ngir Tin hoc — 01 S
2\/_ ﬁ+l
; sin” x & cos’x
Bai 92. Cho I =|- dr va J =| dx
0 sin x+ /3 cos x » sinx++/3 cos x
a) Tinh / -3J,va I+J.
b) Tir két qua trén, hay tinh cdc gid trj ciia 7, J va tinh tich phan: K = j G2y dx
i sinx—+/3cosx
2
; ]
DH QG TPHCM khoi A — 01 bS: a) f—3J=l—\/§;!+J=1ln3

b) [=— [ \l/_+—ln3] 4[@ 1+Zln3]

2

Bai 93. Tinh tich phin: I = I(\/cos x —+/sin x)dx
0

DH Héng Pirc — 01

T

Bai94. Tinh tich phan: [ = j i il

5 sin'x

4
DH Nong nghiép I HN — 01
sindx

x
1
Bai 95. Tihtichphin: | = | ———dx
;[ sin® x +cos® x

DH Ngoai Thirong khoi A — 01

-2 | B

J“-Scosx 4sin x

Bai 96. Tinh tich phéan: I = —dx

5 (cos x+sin .x)

DH Giao thong van tai — 01

File word lién hé: toanhocbactrungnam@ gmail.com

1 1

—la-\/g——lnS

=3(1-B-m)
DS: 0

ps: 72

g8 12
DS: i]n?,
3

bs: 12
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n

Bai 97.

Bai 98.

Bai 99.

Bai 100.

Bai 101.

Bai 102.

Bai 103.

Bai 104,

Bai 105.

Bai 106.

a) Tinh tich phan: 7 = Icos2 xsin 2xdx
1

r

T

3
2 2 2

b) Chitng minh rang: J.cos" xcosbxdx = _l'c:os5 xsin xsin6xdx vatinh [ = _l.a:os;5 xcos 7xdx
1 1 I

DH Nong Lam TPHCM — 01

T

Tinh tich phan: I = I\"/l— cos” x.sin x.cos’ xdx
0

Du bi | DPH Khoi A — 02

]
2

Tinh tich phén: I = Isin xsin2xsin3xdx
0

CD Sw pham Vinh Phiic — 02

DH Nong nghiép I HN — 01

X.
2

Tinh céc tich phdn a) I, = Icos 2,ac(sin4 x+cos’ x)dx

1]

CD Su pham Ha Tinh — 02

T

PR, P
Tinh tich phan: I = | = e
y 1+sin2x
PH Khoi B— 03
x
3
Tinh tich phan: 1 = [ —— =% dx
7 cos x/1+cos’ x
4

CD SP Biic Ninh — 04

sin®™ x

sin?®™ x +cos®™ x
CP Tai chinh ké todn 1V — 04

T

Tinh tich phén: I =

o b3 | B

2 darn 3
Tinh tich phén: I = SEY e

o 1+Hcosx
CP Y 16 Nghé An — 04

X

2 .
Tinh tich phén: 1 = | SR e

cos x+1

0

CD KTKT Cong nghiép 2 — 04

File word lién hé: toanhocbactrungnam@ gmail.com

DS:a) 2 b) 0

DS: 12/91

DS: 1/6

DS: 74

.
b) 1, = J-(:osﬁ xdx

i]

DS: i=0; =815

DS: —In2

PS: J5-43

DS: w4

bS: 2

DS: 2(1 —In2)

MS: GT12-C3
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3
Bai 107. Tinh tich phan: / =I
o [+3cos x
CD Céng nghiép IV — 04 DS: %ln -+
% sin 2xcosx
Bai 108. Tinh tich phdn: [ = I—d.x
y,  1tcosx
DH Khéi B - 05 DS: 2in2 - 1
Bai 109. Tinh tich phan: I = j-(e“'i""' +cos x) cos xdx
g 71'
DH Khoi D — 05 DS: e+1—l
3
Bai 110. Tinh tich phan: [ = j.sinzx tan xdx
Du bi 1 PH Khoi A — 05 DS: In 2—%

r

4
Bai 111. Tinh tich phén: !=j. tanx+e"“ cosx)dx
0

Du bi 2 BH Khoi B — 05

x

Bai 112. Tinh tich phan: = B dx

0 \/cos x+4sin’ x

PH Khoi A — 06

3 > 5 z 6 tan’ x

Bai 113. Tinh tich phén: / =I
" CO52x

dx

DH Khoi A — 08

- sm(x—— ]
Bai 114. Tinh tich phan: 1 = | g dx
? sin2x+2(1+sin x+cosx)

DH Khoi B - 08

b | H

Bai 115. Tinh tich phan: ]—I%+4‘3ln21dx :
sin x —cos 2x

0=

Du bi 2 PH Khoi A — 08
0. Phutng phdp ham a6 cé chutty ciin thit

¢ dx
Bai 116. Tinh tich phan: [ = [ ———
FxNxt+9

PH An ninh — 99

File word lién hé: toanhocbactrungnam@ gmail.com

|
DS: %m 24+eV2 -1

ps: 2/3
(2 \/—) IO\/_
Ds: (4-342)/4

PS: —l+1n 2
2

DS: llnZ
6 4
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Bai 117.

Bai 118.

Bai 119.

Bai 120.

Bai 121.

Bai 122.

Bai 123.

Bai 124,

Bai 125.

Bai 126.

Bai 127.

File word lién hé: toanhocbactrungnam@ gmail.com

x+1

Tinh tich phén: I = f
5 h +2

DH Quy Nhon — 99

l+1’

[

Tinh tich phéan: [ = j'

DH Hoéng Dirc — 99

Tinh tich phén: I = I

N

DH Céng doan — 99

2 3 2
Tinh tich phan: [ = | DAL 5 o
| X

HV Chinh tri QG — 99

h2 _2x
Tinh tich phan: /= [ = 2

0 \}e*+l

PH Bdch khoa HN - 00

1
Tinh tich phan: 1 = [ /(1-27) dx
i]

DH Y Hai Phong — 00
1
Tinh tich phén: I = Ix" 1—x’dx

0

PH SP Ha Néi - HV Chinh tri QG — 01
|

Tinh tich phan: 1 = [x*V1-x'dx
0

DPH QG TPHCM - 01

3

Tinh tich phén: I = J\fxg —1dx
V2

DH Y Ha Ngi — 01

[
Tinh tich phén: I = I
1Xx
J‘i
CD Su pham Ba Rja Viing Tau — 01

In 3

j,/e +I

Due bi 2 DH Khéi B — 02

Tinh tich phén: I =

1 1
ps: E(zs—:aﬁ)

ps: %—ll (1+v2)-1
ps: In(2-+3)(3+2v2)
ps: 2(2%/5—1)

02

BS—

DS: 316
DS: 2/15

DS: 4/45

Bs: %[5\/5 ~In(v2 +1)]

DS: w6

b 421

MS: GT12-C3
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1
Bai 128. Tinh tich phan: | = Ix3 1-x*dx
0

Du bi 2 DH Khoi A — 03

Bai 129. Tinh tich phan: I =
]]’]"') \I'e &=

Dy bj 1 DH Khoi B — 03

2.3 dr
Bai 130. Tinh tich phin: / =

o X +4
DH Khéi A — 03

V3
Bai 131. Tinh tich phan: [ = I X1+ xdx
o

CD Khi Tuong Thuy Vian — 03

2dx
Bai 132. Tinh tich phén: [ = J'
Nx+54+4
CP GTVT 3 - 04
g +2x
Bai 133. Tinh tich phén: I = f
Vxi+1

CD SP Khoi A — 04

2
Bai 134, Tinh tich phan: / = [ 7 s 7
+x+V2—x

CD Co Khi Luyén Kim — 04
Bai 135. Tinh tich phén: [ = jlxz 4-x7dx
0
CD KTKT Coéng nghiép 2 — 04

()
Bai 136. Tinh tich phan: I = [ xv/I+xdx

-1
CP Hdéa chat — 04

9
Bai 137. Tinh tich phan: [ = [ x3/1- xdx
1
Hé CP PH Hiing Virong — 04
3
Bai 138. Tinh tich phan: [ = Jx“ V1+x*dx

3
CP KT Ké hoach Pa Nang — 04

Bai 139. Tinh tich phén: [ = f
J_
DH Khoi A — 04

File word lién hé: toanhocbactrungnam@ egmail.com

DS: 2/15

DS: 20/30

DS: 58/15

DS: 4+ lﬁlng

DS: 26/5

DS: %—\/5

DS«

bS: —4/5

DS —gb—

DS: 58/15

DS: u—4[112
3

MS: GT12-C3
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Bai 140.

Bai 141.

Bai 142.

Bai 143.

Bai 144.

Bai 145.

Bai 146.

Bai 147.

Bai 148.

Bai 149,

Bai 150.

Bai 151.

e 143
Tinh tich phan: [ = | NIAAMEINS
X
1

DH Khoi B — 04
b

Tinh tich phan: [ = | SinZE SR
0

—  dx
J1+3cosx

DH Khoi A — 05

x+2 doe
Jx+1

Du bi 2 DH Khoi A — 05

,
Tinh tich phén: I = |
0

“ In” x
Tinh tich phan: I = [ ———— dx
£ '!.x\/lnx+l
Duw bi 1 PH Khéi D — 05
i)
Tinh tich phan: /= [ &
) 2x+1++/4x+1

Due bi 1 PH Khéi A - 06

10 dx
Tinh tich phén: [ = | —————
; '!.,x—Z\/x—Q
Dy bj 1 PH Khoi B - 06
Y g_
Tinh tich phan: [ = | A

L xvV1+2Inx

Dut bi 2 PH Khoi B — 06

4
Tinh tich phan: [ = [ L

—— =Y
o 1++/2x+1
Du bi | BH Khoi A — 07

x+1

vax+1
Du bi | DH Khoi B — 08

dx

Tinh tich phn: 1 = |
0

Dur bi 2 DH Khéi B — 08

4x—1

N2x+142

4
Tinh tich phén: I = | dx
0

DH Khéi D — 11
X

Ja+1

CP Khoi A, Al, B, D — 12

3
Tinh tich phén: 1= [ dx
L]

File word lién hé: toanhocbactrungnam@ egmail.com

DS: 116/135

DS: 34727
DS: 231710
DS: 76/15

DS: lngmL
2 12

DS: 2In2 + 1

5 10v2 11
3

DS: 2 + In2

PS: 11/6

DS: % -3V3

DS: E+10111E
;. 5

bS: 8/3

MS: GT12-C3



TAILIEU HOC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG 16
. Phubng phdp lich phén lithg phin
1
Bai 152. Tinh tich phan: I =J.[x-1)ez"'d.x
0
DH Ngogi ngir Tin hoc — 97 DS: g _46‘
Bai 153. Tinh tich phén: I = I(2x —1)cos’ xdx
1]
DH Céng doan — 99 pS: f(f— :}—l
4\ 2 2
Bai 154. Tinh tich phan: I = Ixz sin xdx
1]
DH An ninh — 99 DS: 7' -4
Bai 155. Cho tich phan: 1(z) =I(xsir1 x)’ dx
0
a) Tinh tich phankhi 1 =7 . b) Ching minh rang I (z)+1(~1)=0.
3
PH Mé HN — 99 ps: a) %—%

e

Bai 156. 1) Tinh tich phan: 7 =Ix2 In xdx

!
2) bat I (1) =Ie“"' cos xdx
{0

a) Tinh I(1). B) Xdc dinh lim /(1)

f—ries

o) 3
DH Hiing Virong — 99 ps: 1) 22 *1

T

Bai 157. Tinh tich phén: I = Icos xIn(1+cosx)dx
0
HV K thugt QS — 99
Bai 158. Tinh tich phéin: | = j.e" cos xdx
0

DHDL KT Cong nghé — 00

fn(x+1
Bai 159. Tinh tich phan: I = [ ()

1

dx

2

X

DH Cong doan — 00

File word lién hé: toanhocbactrungnam@ egmail.com

2) %[e“’ sint—e ' cost+ 1)

9|

T

Ds- e +1
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GV. TRAN QUOC NGHIA - suru t4m va bién tap 17
1
Bai 160. Tinh tich phan: /= [xIn(x" +1)dx
0
HV Ngan hing TPHCM khdi D — 00 PS: In2 —%
Bai 161. Tinh tich phan: I = j BBIE
0 Cos™ X
HV Ngén hang TPHCM khéi A — 00 DS: —‘/_-1n2+1
&)
Bai 162. Tinh tich phan: /= [ sin3xdx
1]
DH Kién triic HN — 01 PS: 3n—-6
10
Bai 163, Tinh tich phan: / = [ xlg’ xdx
|
DH Lucit - PH Duoc HN — 01 DS: 0—£+ i
In10  4In*10
(1]
Bai 164. Tinh tich phan: / = [ x(e* +3/x+1)dx
-1
; <. 3 4
Du bi 2 DH Khoi A - 02 PS: ———
4e> 7
3
Bai 165. Tinh tich phan: /= [ 2 dx
L CO8T ¥
2
DH Sur pham Vinh — 01 bS: 477:—21 [tan ?_721']
Bai 166. Tinh tich phan: [ = jln—j‘dx
| X
. N e’ -3
CD Néng Lam — 01 DS: -
4e-
Bai 167. Tinh tich phan: /=[x’ In’ xdx
1
CP KTKT Hai Duong — 02 ps: 2 "”2; 4
:
Bai 168. Tinh tich phan: I = j
! +cos,2x
Du bi 1 PH Khéi A — 03 DS: %—%lrﬂ
|
Bai 169. Cho hamsé f(x)= ﬁ+bxe .Tim a va b biétrang f'(0)=-22 va If(x)dxz
x+1 D
Du bi 2 PH Khéi B - 03 DS:a=8b=2

File word lién hé: toanhocbactrungnam@ egmail.com
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1
Bai 170. Tinh tich phén: [/ =Ix3e"'3dr
0
Du bi I PH Khoi D — 03 DS: 1/2
g i
Bai 171. Tinh tich phén: | = Ix + In xdx
| X
; e’ +3
Du bi 2 PH Khéi D - 03 DS: —
|
Bai 172. Tinh tich phan: I = j' (x* +1)edx
0
CD SP Nha Trang — 04 DS: 2e-3
.::
Bai 173. Tinh tich phan: I = [ xtan® xdx
0
CD SP Ha Nam — 04 ps: Fomd2 %
4 2 32
e 3
Bai 174, Tinh tich phan: | = I * In xdx
X
1
3
CP Diéu dudng — 04 by 2 M
9 18
2 xZC.r
Bai 175. Tinh tich phén: [ = _[72
0 (x + 2)
CP GTVT 2 - 04 DS: 1
1
Bai 176. Tinh tich phan: [ = (4" ~2x~1).c™dx
0
CD GTVT 3 - 04 ps: — 1
SIn(x+
Tinh tich phan: :J'ln )
1 X
CP KTKT Thdi Binh — 04 PS: In 33
3
Bai 177. Tinh tich phén: /= [In(x* —x)dx
DPH Khoi D — 04 DS: 3In3-2
Bai 178. Tinh tich phan: I = je sin2xdx
0
Due bj 2 PH Khéi B — 04 DS:
Bai 179. Tinh tich phan: I = IJ} sin +/xdx
1]
Du bj 1 PH Khoi D — 04 Ps:

File word lién hé: toanhocbactrungnam@ egmail.com
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In&
Bai 180. Tinh tich phan: I = j e**\e" +ldx
In3

Du bi 2 PH Khoi D — 04 DS:

Bai 181. Tinh tich phén: I = j x* In xdx

0

3
Due bj 1 DH Khéi B — 05 ps: 2¢ 9“
Bai 182. Tinh tich phén: I = I[Z.ac—l)cos2 xdx
0
2
Du bi 2 PH Khéi D — 05 Py AN
NN 2
1
Bai 183. Tinh tich phén: I = j.(x-Z)ezxdx
0
PH Khéi D — 06 ps: > 'je'
Bai 184. Tinh tich phan: [ = I(x+1)sin2xdx
0
Du bi 1 PH Khéi D — 06 DS: %rl
2
Bai 185. Tinh tich phan: / = [(x—2)In xdx
|
Du bi 2 PH Khéi D — 06 ps: %— In 4
Bai 186. Tinh tich phan: I = j x’ In® xdx
1
; Se* -1
DH Khéi D - 07 DS:
32
£
Bai 187. Tinh tich phén: I = If cos xdx
0
Du bi 2 DH Khdi D — 07 ps: % -
Bai 188. Tinh tich phan: [ = jm—3xdx
X
1
DH Khéi D - 08 Py 2o
16
1
Bai 189. Tinh tich phén: I = J'[xe“ T ]d.r
) 4—.1"2
Du bi 1 DH Khéi D — 08 ps: 3+2=!
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1
Bai 190. Tinh tich phén: [ = f (& +x+1)e'dx
]
Du bi 2 PH Khoi D — 08 DS: 2¢ -2
Bai 191. Tinh tich phan: I = jm
L (x+1)
PH Khéi B— 09 bS: 1(3 +ln2—7]
4 16
1
Bai 192, Tinh tich phan: [ = [(¢™ +x)e'dx
0
CP Khéi A, B, D — 09 ps: 2-L
c
Bai 193. Tinh tich phan: | = j (2){—2] In xdx
X
I | e2
DPH Khéi D — 10 pS: =~
Bai 194. Tinh tich phan: [ = Imdx
0 COS™ x
DH Khéi B— 11 DS: \/§+2%+1n(2—\/§)
tl+In(x+1
Bai 195. Tinh tich phan: I zjwdx
e
1
. 2 2
DH Khéi A, Al - 12 DS: S+In3=2In2
f_
Bai 196. Tinh tich phan: I = J-x(l +sin2x)dx
0
PH Khoi D — 12 55 Bl
32 4
3 R, . r -1
Bai 197. Tinh tich phén: / :I >— In xdx
X
1
ko 5 3
DH Khoi A, Al — 13 DS: =In2—=
2 )
_f_
Bai 198. Tinh tich phén: I = j.[x+ 1)sin 2xdx
0
PH Khéi D — 14 DS: 3/4
Bai 199. Tinh tich phn: /= [(2x" +Inx)dx
I
Dé minh hoa THPTQG — 15 DS: 13/2 + 2in2
1
Bai 200. Tinh tich phan: I = j‘ (x—3)e*dx
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F. Phubng phdp diing tinh chdt phu

3
Bai 201. Tinh tich phén: [ = j -
g

DH Bdch khoa HN — 99 DS: 0

%

4 o6 [
Bai 202. Tinh tich phan: I = | il

e 6" +1
3
DH M6 - Pia chat — 01 bS: 57/32
G. Nhithg bai lich phan cé nhiéu cdch gidi
Bai 203. Tinh tich phan: I = j d
x +x
C6 3 cdch giai bs: 1 =§—ln2+lln[§]
8 2 K3
3
¢ dx
Bai 204. Tinh tich phén: [ =
'!- Vit -1
1 |(Sll’1&'—1)(\/§+2 | 1
Co 2 cdach giai DS: [ =——| In VOi (X = arccos—
2 |(sma:+l)(\/§—2 | 3
. o I
Bai 205. Tim nguyén ham: / = I Zum VOl X < =
2008 I _3x 2007 2008 ] _3x 4015
Co 2 cdch giai DS ] =— 2008 \/( ) - ‘/( )
9 2007 4015
Bai 206. Tim nguyén ham: [ = [ xy/2—5xdx
C6 2 cdch gidi By f=—0% o ¥ ue
375
¢ dx
Bai 207. Tinh tich phén: I =
\?[5 xvxt =1
C6 3 cdch giai PS: I=nx/12
_I
Bai 208. Tinh tich phén: j
T
Co 2 cdch giai DS: I=7/6
Bai 209. Tinh tich phan: I
1
Co 2 cdch giai DS: 1 =__\/_
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1
Bai 210. Tinh tich phan: /=, L dx
Y41
2
2
| (l + \/E)
Co 2 cdch giai bS: I=—In———
3 5
2008
Bai 211. Tinh tich phin: /= [ 2008 —x*dx
2
C6 2 cdch gidi ps: 1=200E

? dx
Bai 212. Tinh tich phén: I = -
0 3+x
Co 3 cdch giai
'_'-l »
Toxdx
Bai 213. Tinh tich phén: I =
E[ 3+ x°
Co 2 cdch giai
1
Bai 214. Tinh tich phan: I = Ixz x® +4dx
0
Co 2 cdch giai
Bai 215. Tim nguyén ham: [ = f _ —— v0i a la hing s6
SN x—s1na
Wy
sin
C6 2 cdch gidi pS: [=——In -
cosa xta
sin xdx

Bai 216. Tim nguyén ham: [ = |

Sin x +cos x

Co 5 cdch giai

Bai 217. Tim nguyén ham: [ = j

sin 2008x
Co 2 cdch giai

T

Bai 218. Tinh tich phan: [ = f

b]I‘l T
4

Co 2 cdch giai

File word lién hé: toanhocbactrungnam@ egmail.com

DS:

DS:

DS: 1=1n(1++2)

DS: I—i+211(\f_+l)

3V5

bs: I=T—21n(]+\/§)+21n\/§

+C voi cosa #0,8in x #sina

I =%(x—1n|sin x+cosa|)+C

‘cosZOl?x ]‘

1=
4026 \cobzolaxﬂ\
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Bai 219. Tinh tich phan: I = I

Bai 220.

Bai 221.

Bai 222.

Bai 223.

Bai 224.

Bai 225.

Bai 226.

Bai 227.

Co 4 cdch giai

Tinh tich phén:

Co 2 cdch giai

Tinh tich phan:

Co 2 cdch giai

Tinh tich phén:

Cé 3 cdch giai

Tinh tich phén:

Co 2 cdch giai

Tinh tich phén:

Co 3 cdch giai

Tinh tich phén:

C6 2 cach giai

Tinh tich phén:

Co 3 cdch giai

Tinh tich phan:

Co 4 cdch giai

x

2 sin® x

3

T

a
I =|cos” x.cos2xdx
0

—_—

F

4
I=j-tan .x:+E .cot x+£ dx
S 3 6

3z

f_:il] dx
4 sin” Sx.cos” 5x
40
T
3
i dx

=
-‘- L ( :fr)
Tsmxsin| x+
b 6
{"_

‘(:I 4 sin xdx

5 smx+cosx

1 sin x
]:j' ‘ ~dx
D (smx+2cos.x)

dx

L 1—2sin’x
1=j‘(
0

F n
sin x +cos x)
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DS: 1 :1+lln3
3 4

16

(o)

By paly N
4

&~
(8]

DS: 4/5

DS: 1 =21né

2

D8 1=2

DS: I—S—E—E
g8 12

BS: 1=1/36
DS: I=1/4
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T

Bai 228. Tinh tich phan: I = f LSS
- 1+cosx
-
C6 3 cdch gidi B el
; & .
3
Bai 229. Tinh tich phan: [ = j.tanj xdx
f
Co 3 cdch giai DS: I:I—%lnz
Bai 230. Tinh tich phan: I = Isin3 xdx
0
C6 3 cdch giai Ds: 1=2/3
Bai 231 Tim nguyén ham: / = [~ dx
sin x +cos x
i i sin [x— ZJ -1
C6 2 cdch giai DS: I =—(sinx—cosx)+ \/_In +C
% W2 sin[x—ﬂj+1
4
i
Bai 232. Tinh tich phan: [ = Icos‘ﬁ xdx
0
Co 2 cdch giai DS 1 =£ +15_;;
48 192

a8

£ sin’ x—sinx

3

Bai 233. Tinh tich phan: I = cot xdx

| By ey

sin” x
3

Co 2 cdch giai DS: I = gf

T

+3cos® x—cosx

Bai 234. Tinh tich phan: 1 :I - dx

A cos” x

Co 2 cdch giai DS 1=1/2

Bai 235. Tim nguyén ham: [ = [tan xdx

Co 2 cdch giai PS: I= (arcsin(sin X—cos x)+In|sin x +cos x ++/sin ZxU +C

5=

1
Bai 236. Tinh tich phén: / =J'
0

dx
J2e¥ +2e +1

Co 3 cdach giai DS: I=In

e(2+\/§)
e+1++2e +2e+1
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Bai 237.

Bai 238.

Bai 239.

Bai 240.

Bai 241.

Bai 242,

Bai 243.

Bai 244.

12 10
File word lién hé: toanhocbactrungnam@ egmail.com MS: GT12-C3

Tinh tich phén: [ = [ ]
A er+c x
C6 3 cdch gidi pS: I= %m e
¢ 3 2
Tinh tich phan: I = | AN 5
X
1
C6 2 cdch gidi DS 1 =§(3€E -232)
f
Tinh tich phin: I = | e*™".cos 20xdx
4]
1 5027
C6 2 cdch gidi BS: [=—————|20e ° —2008
2008 +20°
1
Tinh tich phén: I = J.e*'.x4dx
0
C6 2 cdch gidi PS: [ =9e—24
Tinh tich phan: 1 = [ B
1 X
C6 2 cdch gidi B et
2 2
IV - TICH PHAN TRUY HOI
1
Cho tich phan: 1, = jxtan” xdx vor n=0,1,2, ...
4]
1 T n+l
a) Tinh I, v61 n=2. b) Chirng minh rang: 1, > (—J :
n+2\ 4
DH Bich khoa HN — 97 o BT Ly
4 32 2
1 e-Zm’
Cho tich phan: 7, = [-=——dx véi n=0,1,2,...
d+e’
a) Tinh I,. b) Tinh I, +1, .
DH Thuong Mai — 01 S: a)l+~In 22 b) — (1-e7")
2 e +1 2(n+1)
Cho tich phan: 7 = jcos” xdx v61 n la s6 nguyén duong.
4]
a) Tinh I, va I,.
b) Thiét 1ap hé thirc lién hé gitra 7, va I, v6i n>2. Tadétinh 1,,, I,.
DH Thuong Mai — 01 DS: a)f3=%; !4=::—:
- 4 3
="ty . 2108642, 119753
n "’ 119753 " 8 6 16
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Bai 245.

Bai 246.

Bai 247.

Bai 248.

Bai 249.

Bai 250.

V - CHUNG MINH PANG THUC BAT PANG THUC

4+Jr

Chirng minh rang: Ie“‘ dx>

DH Xdy dung HN — 96
2+lnx d d
Giai bat phwong trinh: j 2 r
In.x ‘J-
DH Mo - Dia chat — 99

oV2
-

3
: x
Chirng minh rang: 2,5< dx <
'! N
DH Xay dung HN — 99

X T
Chirng minh rang v&i m, n khac nhau thudc N : j cos mx.cos nxdx = I sinmx.sin nxdx =0.

- -

DH Xay dung HN — 00

| ¥
Chirg minh bt déng thire: [ =~ dr<1-In2.
o I+ xsinx

DH Su pham HN Il - 01

Cho ham s6 f (x)=ax+b, véi @’ +b* >0.

2 T2 2
Chirng minh rang [ j f sm rd.x} [ j f Cos xde >0.

DH Can Tho khéi A — 01

VI - UNG DUNG TICH PHAN

Bai 251.

Bai 252.

Bai 253.

Bai 254.

Bai 255.

Cho ham s6 y = c6 do thi (C). Tim b sao cho di¢n tich hinh phing gidi han boi dd thi

x2 +1

(C) va cdc duong thing y=1, x=0, x=>b bang %

DH Bich khoa HN — 93 DS: b=+1
Tinh di¢n tich hinh phang gi¢i han boi cdc dudng y =[x’ —4x+3 va y =3-x.
DH Kién triic HN — 94 DS: 13/6

Cho duong cong y* =2x va dudng d:x—2y+2=0. Chirng minh ring d 1a tiép tuyén cia
duong cong. Tinh dién tich hinh phing gioi han boi hai duong nay.

PH Kién triic HN — 97 DS: 4/3
Tinh dién tich hinh phang gi¢i han béi parabol (P): y=x" —4x+5 va hai tiép tién cua (P) ké
tai A(1;2) va B(45).

DH Bdch khoa HN - 98 DS: 9/4
Tinh dién tich hinh phing gi¢i han bai parabol (P):y= 2x—x" vatruc Ox:y=0.

DH Duy Tan — 99 DS: 4/3

File word lién hé: toanhocbactrungnam@ egmail.com MS: GT12-C3




GV. TRAN QUOC NGHIA - suu t4m va bién tap 27

Bai 256.

Bai 257.

Bai 258,

Bai 259.

Bai 260.

Bai 261.

Bai 262.

Bai 263.

Bai 264.

Bai 265.

Bai 266.

Tinh dién tich hinh phing gi¢i han bdi cdc duong x=—1; x=2; y=0 vd y=x" —2x

DH Thuong mai — 99 DS: 8/3

Tinh dién tich hinh phang giéi han boi parabol (P):y =2x"+x va duong thing y=x+2.

DH Y Thdi Binh - 99 DS: 8/3

Tinh dién tich hinh phing gi¢i han boi hai parabol: y = %xz +%x +%4 va y= —lzxz + 2x+%

DH Thuy san — 99 DS: 8

Cho ham s6: y=x'=3x"+2.

a) Khao sét sy bién thién va v& d6 thj (C) cua ham sé da cho.

b) Viét phuong trinh céc tiép tuyén véi (C), biét tiép tuyén dé vudng géc v4i dudng thang:
S5y=3x+4=0.

¢) Tinh dién tich hinh phang gi6i han boi cdc dudng y=x'-3x"+2, y=0, x=0 va x=2

5 29 5 61 5
DH Nong nehiép [ — 99 PS:b) y=——x+—y=——x+—2¢) —
8 nghiep )y 5 27 y 3 7 )2

Cho ham 86 y =x" —2x+2 ¢6 do thi la duong cong (P). Goi d I tiép tuyén véi (P) tai diem
M (3;5) . Tinh di¢n tich hinh phang gi¢i han bdi (P), d va truc Oy .

DH Thuy loi — 00 DS 9
Cho ham sb: y=2x"+3x* —1.

a) Khao sét sy bién thién va v& do thi (C) cua ham sé da cho.

b) Qua diém (0;—1) viét phuong trinh cdc tiép tuyén véi (C).

¢) Tinh dién tich hinh phéng g161 han boi (C ) va truc hoanh.

DHDL Dong Do — 00 DS: b) y=ﬂ1;y=—2x—] c) =t
8 32
i z —2x+1 G e : Fy ‘a - % 2 ‘rn P A i
Cho ham s6: y= ™Y do thi (C). Tinh dién tich hinh phang gi¢i han boi (C) va duong
x+
5 X
thang y=——+1.
g) >
5 Ny 35
CDSP Ha Noi — 00 bS: 4 3In6
Tinh dién tich hinh phang gi¢i han boi cdc duomg y =[x’ —1| va y=||+5.
DH Sur pham HN — 00 DS: 73/3
Tinh dién tich hinh phing gi¢i han boi céc duong y=x" —2x+2, y=x"+4x+5 va y=1.
HV Ngdn hang — 00 DS: 9/4
Tinh dién tich hinh phing gi¢i han boi céc duong y =sin® xcos’ x, y=0 va x=0, x= %
PH Bdch khoa HN — 00 DS: 2/15
Tinh dién tich hinh phing gi¢i han boi céc duong y = ( :I-x 1) , ¥y=0, x=-1va x=1.
X+
DH Kién triic HN - 00 DS: 0
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Bai 267.

Bai 268.

Bai 269.

Bai 270.

Bai 271.

Bai 272.

Bai 273.

Bai 274.

Bai 275.

Bai 276.

Bai 277.

Tinh dién tich hinh phang giéi han boi parabol (P):y =4x—x" va cdc tiép tuyén véi (P) nay,
biét rang cic tiép tuyén dé di qua diem M [%;6] .
PH Kinh té Quéc déan — 01 DS: 9/4

Tinh dién tich hinh phang giéi han boi cic duong thang x=0, x= truyc Ox va duong

1
,JE ?

X
cong y= ]
v1-x*

PH Canh sdt Nhan dan — 01 DS: w12

. ‘n P . & . - 2 . N i Xz +x—1 .
Tinh dién tich hinh phang gi6i han boi do6 thi ham s6 y= —1 khi

x—
& R s - 11
x>1 va duong thang y = T
5 a 15

CD Nong Lam — 01 BS: §—21n 2

Tinh dién tich hinh phing giéi han boi cdc dudng y* =6x, x*+y* =16.

| 4(ar++3)

DH Su pham Hai Phong — 01 bS: 3

Tinh dién tich hinh phing gi¢i han boi cic duong y=x"+2x, y=x+2.

DH DL Binh Duong — 01 DS: 9/2
Cho him 86 y=x"+3x* +4xcé do thi (C). Tinh dién tich hinh phéng gidi han boi (C), truc

hoanh va tiép tuyén véi (C) tai diém ubn cia né.

DH Thang Long — 01 DS: 3/4

Tinh dién tich hinh phing gi¢i han boi cdc duong y=xe", y=0, x=—1 vd x=2.

HV CNBCVT - 01 ps: & +2-2
e

Tinh dién tich hinh pha‘ing 2idi han boi cac duong y=2+sinx va y=1 +cos’ x voi xe[0:7].

PH TCKT Ha Néi — 01 DS: 2 +%

i 2 i Y 2 XZ 27
Tinh dién tich hinh phang gi¢i han boi cac duong y=x", y= s va y=—.

X
DH Y Ha Néi — 01 DS: 27In2
Cho a >0, tinh di¢n tich hinh phing gidi han boi cdc dudng y="_FT2&+34 @ —ax
l+a l+a
Tim gid tri cua a dé dién tich trén dat gid tri 1on nhat.
3
PH Céng doan — 01 pS: —; a=43
6(l+a ]

Cho ham s6: y=x"—2x" +x.

a) Khao sét sy bién thién va v& do thi (C) cua ham sé da cho.

b) Tinh dién tich hinh phing gi6i han béi (C) va duong thing y=4x.

DH Néng nghiép I — 01 DS: b) 71/6
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Bai 278.

Bai 279.

Bai 280.

Bai 281.

Bai 282.

Bai 283.

Bai 284.

Bai 285.

a) XécdinhcécséA,B,Csaochoj dx —= 4 +j( AL Jch*.
(x+1)(x+2)" x+2 \x+1 x+2
b) Tinh dién tich S(#) ctia hinh phing gi6i han boi d6 thi ciia ham s6 y = ; trén
(x+1)(x+2)
doan [0;¢] véi £ >0.
¢) Tinh lim S(z).
DH Da Lat — 01 PS:a) A=B=1, C=-1
2(r+1 . 1
b)S (1) S S (r+1) ¢)limS(r)=In2——
t+2 2 t+2 1= 2
Cho ham sb: y=x"-3x*+3.
a) Khao sét sy bién thién va v& dd thi (C) cua ham sé da cho.
b) Tinh dién tich hinh phing gii han béi (C) va tiép tuyén cia (C) tai diem (-1;-1), biét
rang don vi d6 dai trén mdi tryc toa do 1y bing 0,5cm .
¢) Viét phirong trinh dudng thiang ma cic diém cuc dai, cuc tiéu ciia do thi () doi xirng nhau
qua duong thing doé.
DH Phong chdy chita chdy — 01 PS:b)27c)x-2y+1=0
Cho ham s6: y=x*—4x*+m c6 d6 thi (C). Gia sit (C) cit truc hoanh tai 4 diém phan bigt.
hdy xdc dinh m sao cho hinh phing gi6i han boi dd thi (C) va tryc hoanh ¢6 dién tich phin
phia trén va phan phia duéi truc hoanh bang nhau.
DH Thuiy loi — 01 DS: m = 20/9
, 2m—1)x—m’ ’
Cho ham s50: y= ( m )T i (1) (m la tham so).
x—
a) Khao sat sy bién thién va v& dd thi (C) ciia ham s6 khi m=—1.
b) Tinh dién tich hinh phing gi6i han béi (C) va hai truc toa d¢.
¢) Tim m dé do thi ham sé (1) tiép xdc véi duong thang y = x.
PH Khéi D — 02 DS: b) 41[1%—1 c) m#l
Tinh dién tich hinh phing gi¢i han bai céc duong y =|x2 —4x+3‘ va y=x+3.
PH Khoi A — 02 DS: 109/6
) 2
, " x x
Tinh dién tich hinh phang gi¢i han boi cdc duong y=,/4—— va y= :
phang g g 4 NG
DH Khéi B - 02 DS: % +27
Tinh dién tich hinh phing gi¢i han boi parabol (P): y =x*—x+3 va duong thing y=2x+1.
Duw bi 2 PH Khoi A — 06 DS: 1/6
Tinh dién tich hinh phing gi¢i han boi céc duong y = (e+1)x va y= (l+c*')x.

PHKhéi A — 07 DS: %—1
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x(1-x)

2

P

Bai 286. Tinh dién tich hinh phang gi¢i han boi cac duong thing y=0 va y=

Du bj 1 PH Khéi B - 07 DS: %+%1n2—1

Bai 287. Trong mat phang toa dd Oxy, tinh dién tich hinh phiang gidi han bai cdc duong y=x> va

y=+2-x".
; £ oo
D bi 2 DH Khoi B — 07 DS: E+§
Bai 288. Tinh dién tich hinh phing gi¢i han boi cdc duong cong y =x" —x+3 va duong y=2x+1.
DH Khéi A, Al — 14 DS: 1/6
B. Thé'tich

Bai 289. Cho hinh phing D bi gi6i han boi cic duong y=+cos’ x+sin*x, y=0, ng VA x=x.

Tinh thé tich vat thé tron xoay tao thanh khi cho D quay quanh truc Ox .

DH M6 - Dia chdt — 94 DS: 3%
Bai 290. Cho hinh phing D bj giGi han boi cdc duong y* =(4—x)'va y> =4x.
a. Tinh dién tich mién D .
b. Tinh thé tich vét thé tron xoay dugc tao thanh khi cho D quay quanh truc Ox .
PH Kién triic HN — 96 DS: a) @ b) 121

3

Bai 291. Tinh thé tich vit thé trdn xoay sinh bdi hinh phing gi¢i han boi cdc duwong y = % y=x" khi

hinh phiing d6 quay quanh truc Ox.
DH Hang hai — 99 DS:486w/35

Bai 292. Tinh thé tich khéi tron xoay do quay quanh trgc Ox phan mt phang hitu han dwoc giéi han bai
hai truc toa d9, duong thing x =1 va duong cong y=1+x".

DHDL Hai Phong — 00 DS:237/14

Bai 293. Cho hinh phing D bij gidi han bai cde duong y=tan’ x, y=0, x :—g va x = %

a) Tinh dién tich mién D.
b) Tinh thé tich vit thé trdon xoay dugc tao thanh khi cho D quay quanh truc Ox.

2
DH Noéng nghiép [ HN — 00 bS:a)1-In2 b) —%+216—5ﬂ
Bai 294. Cho hinh phang D bi giéi han bai cic duomg y = Jx, y=2-x va y=0.
a) Tinh dién tich mién D.
b) Tinh thé tich vt thé tron xoay duoc tao thanh khi cho D quay quanh truc Oy .
DH Quéc gia TPHCM khoi A— 00 PS: a) 6/7 b) 32715
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Bai 295.

Bai 296.

Bai 297.

Bai 298.

Bai 299,

Bai 300.

Bai 301.

Bai 302.

Cho hinh phing (G) giéi han boi cdc duong y=4—x vd y=2+x". Quay hinh phing (G)
quanh truc Ox ta duge mdt vat thé. Tinh thé tich vat thé ndy.

DH Thuiy san Nha Trang — 00 DS: 167
Goi (P) la mién dugc gi6i han boi cdc duong y=-3x+10, y=I,
y=x" (x>0) va (D) nim ngodi parabol (P): y =x’. Tinh thé tich vat thé tron xoay tao nén
khi quay hinh phang (D) quanh truc Ox .

DH Y Dugc TPHCM — 01 DS: 56 w5
Trong mit phing v6i hé toa dd Oxy . Cho hinh phang gi6i han boi cic duong y=Inx, y=0,
x=e. Tinh thé tich khbi tron xoay tao nén khi quay D quanh truc Ox .

DH Kinh té - 01 DS: (e -2)

Tinh thé tich ctia vat thé sinh ra boi phép quay quanh truc Ox cua hinh phang gi6i han bai cic
duong y=e', y=e¢ ", x=0, x=2.

PH An Giang - 01 ps: z(e* -1)

Tinh thé tich khéi tron xoay dugc tao thanh do quay xung quanh tryc Oy hinh phing gidi han
boi dudng tron (x—a)’ +y* =b* véi O<b<a.

DH Su pham HN 2 - 01 DS: m’ab’®
Tinh thé tich ctia vat thé tron xoay sinh boi phép quay quanh truc Ox cta hinh phing giéi han
boi truc Ox va dudng cong y=+/xsinx (0<x<7)

Du bi 1 DH Khoi A — 04 DS:
Cho hinh phang (H) gi6i han béi cdc duong y=xInx, y=0, x=e. Tinh thé tich khéi tron
xoay tao nén khi quay hinh (H) quanh truc Ox .

7(5e*—2)
27

DH Khoi B — 07 DS:

Trong mit phang Oxy cho hinh phang (H) gi6i han boi cdc duong 4y=x’ va y=x. Tinh
thé tich vat thé tron trong khi quay (H) quanh truc Ox tron mdt vong.

Du bi 2 PH Khoi A — 07 bS: 128715
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PHAN 2. CAC BE MINH HOA, PE CHINH THUC
KY THI THPTQG 2017

Cau l. [2D3-1-MH2] Tim nguyén ham ctia ham s6 f (x) =cos2x.

A.jf(,x)dx=%sin2x+C. B. [ f(x dx——%31n2r+C
C. [ f(x)dx=2sin2x+C. D. [ f(x)dx=-2sin2x+C.
Cau2. [2D3-1-MH3] Tim nguyén ham cta ham s§ f (x)=x*+ i, ?
=
¥ 2 ¥ 1
A.jf(x)d.x=?~;+C. B.jf(x)dx=?——+c.
3
C.jf(x)dx=%+%+€. D. [ f(x) d.x—%—+]+C.

Cau3. [2D3-1-101] Tim nguyén ham ciia ham s f (x)=cos3x.

sin3x

A. [cos3xdx=3sin3x+C. B. [cos 3xdx = 'l
g q.
C. [cos3xdx=—""""+C. D. [cos3xdx =sin3x+C.
Caud. [2D3-1-102] Tim nguyén ham cua ham s6 f(x)= » 1 2
"
A | ® _Liajsx-2+c. B.J' =-Lin(sx-2)+c.
5¢—2 5 5x—2 2
& sinfsx—2/+C. D. | & infsx—2+C.
x=2 5x-2
CiAu5. [2D3-1-103] Tim nguyén ham ciia ham s f (x) = 2sin x.
A. [2sinxdy=2cosx+C. B. [2sin xdx =sin’ x+C
C. [2sin xdx =sin2x+C. D. [2sin xdr=—2cos x+C.

Ciu 6. [2D3-1-104] Tim nguyén ham ctia hAm sé f {x)=

7\[
x+1

71
In7

+E.

A._[7"dx=7"’ln7+€. B.j?-"dxz W G j?dx 7ieE D, j? dx =

Cau7. [2D3-1-MH1] Viét cbng thirc tinh thé tich V cia khdi tron xoay duge tao ra khi quay hinh
thang cong, gi6i han boi dd thi ham sbé y=f(x), truc Ox va hai dudng thaing x=a,

x=b(a<b), xung quanh truc Ox .
b ] b
AV=z[f(x)dx. B.V=[f(x)dx. C.V=z[f(x)dr. D.V=]|f(x)dx
Cau8. [2D3-1-MH2] Cho ham s6 f(x) c6 dao ham trén doan [1;2], f(1)=1 vd f(2)=2. Tinh
2
[=[f(x)dx
I

A. I=1. B. I =-1. €. 0=3, D.!=%.
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Ciu 15.

Cau 16.

[2D3-1-102] Cho jf )dx=2 va jg dx=—1. Tinh I =I[x+2f(x)—33(x):|dx
-1
K =2, By P TR B Feee,
2 2 2 2
3 3
[2D3-1-104] Cho | £ (x)dx=>5. Tinh I = [[ f (x)+2sinx ]dx.
0 0

K s . B.1=5+% G 7=%. D.I=5+r.

[2D3-2-MH1] Tim nguyén ham ctia ham s6 f (x)=+v2x—1.

A. If'(x)dxz%{Qx—l)\/2x—l+C. B. J.f(.x)d.x=%(2);—1)\/2x—l G
C. jf(x)dx=—%\/2x—1+c. D. [ f(x) . \/2x 1+C.
[2D3-2-103] Cho F(x) 1a mot nguyén ham cia ham s6 f (x)=e*+2x théa min F(0)= 2
Tim F (x).
s X 2 3 ¥ 2 ].
A. F(x)=e"+x +E. B. F(x)=2ef &x -5
C. F(x)=3"'+x2+%. D. F(x)=c*+x +%.

[2D3-2-104] Tim nguyén ham F (x) ctia ham sd f (x)=sin x+cos x thoa man F(§]=2
A.F(x)zcosx—sinx+3. B.F(x)z—cosx+sinx+3.
C. F(x}z—cosx+sinx—l. D. F(x)=—cosx+sinx+1.

[2D3-2-104] Cho F (x) =% l4 mot nguyén ham cua ham s M Tim nguyén ham ctia

x* x
ham s6 f"(x)Inx.

A. jf )In xdx = —[m—x+LJ+c B. jf )In dx_'“—x+i+c

x> 2xt x°
C. [ (x)Inadx = ['“,ﬂ%]w. D. [ f'(x)In sde=10%, 1

X x xt 22X
[2D3-2-MH1] Tinh tich phan £ = [.xIn xdx:

1
& Fort, B -2 2% a8t p.r-% 1
2 2 4 4

[2D3-2-MH1] Tinh dién tich hinh phang gi¢i han bai d6 thi ham s6 y=x’—x va d6 thi ham
30 y==x —-x°.
2L, B fis=, ]
12 4 12
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Canu 22.

Cau 23.

[2D3-2-MH1] Ki hi¢u (H) Ia hinh phing giéi han boi d6 thi ham s6 y =2(x—1)e", truc tung
va truc hoanh. Tinh thé tich V cia khéi trdon xoay thu dugc khi quay hinh (H) xung quanh
truc Ox:

A V=4-2¢. B.V=(4-2¢)z. C.V=e'-5. D.V=(e’-5)x.
[2D3-2-MH3] Goi § la dién tich hinh phing (H) giéi han boi cac duong y= f(x), truc

L]
hoanh va hai duong thing x=-1, x=2 (nhu hinh v& bén dudi). Pat azjf(x)dx,
i

b=|f (x)dx, ménh dé nao sau day diing?

T Oy [

A.S=b-a. B. S=b+a. C. S=-b+a. D.S=-b-a.

2

[2D3-2-MH3] Tinh tich phan / =J‘2 xv/x* —1dx bang cich dat u=x*—1, ménh dé no dudi
1

day diang?

2 2 3 gk
A l= 2j\/5c1u. B. = j\/};du. €l = j\/Edu. D. | =%j&du.
1] | 1] |

I

[2D3-2-MH3] Cho [ f“] =a +bln1+Te, v6i a, b lacdc s6 hitu ti. Tinh S =a’ +b".

p €+
AnS:2. B.S=—2. C.S;{)- DoSzl..
[2D3-2-MH3] Tinh thé tich V ctia phin vat thé giéi han boi hai mit phing x=1 va x=3, biét

rang khi cat vat thé boi mat phang ty ¥ vudng géc véi truc Ox tai diém cé hoanh do x
(] <x 53) thi duoc thiét dién 12 mot hinh chir nhat c6 hai canh 12 3x va V3x*-2.

A. V=32+2415. B.V:@. C.Vz%. D.V=(32+2JE)::.

[2D3-2-101] Cho hinh phing D gi¢i han boi duong cong y=+/2+cosx, truc hoanh va céc
duong thing x=0, x= % Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich

V bing bao nhiéu?

A V=rx-1. B.V=(z-1)7. C.V=(z+l)x. D.V=zx+1.
6 2

[2D3-2-101] Cho [ £ (x)dx=12. Tinh I = [ f (3x)dx.
] ]

A. 1=6. B. 1=36. G. =2, D.I=4.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Céu 28.

Cau 29.

Cau 30.

[2D3-2-101] Mot vat chuyén dong trong 3 gid vai van toc v (km/h) phu thudc vao thoi gian ¢
(h) co do thi van toc nhu hinh bén. Trong khoang thoi gian 1 gio ke tir khi bat dau chuyéen
dong, d6 thi d6 Ia mot phin ctia dudng parabol ¢6 dinh 7(2:9) va truc dbi ximg song song véi
truc tung, khoang thoi gian con lai do thi 1a mot doan thang song song véi truc hoanh, Tinh
quang duong s ma vat di chuyén dugc trong 3 gio dé (két qua lam tron dén hang phan tram).
A

Al

1
1
I
I
|
I
1

=

I 1
I 1
| 1
1 1
1 [}
1 1
1 [}
1 1
| 1
1 I
| [}
1 1

|
|
L}
i
I
!

R, NS W N E——

O|1231¢
A, §=23,25 (km). B. s=21,58 (km). C. s =15,50 (km). D. 5 =13,83 (km).

[2D3-2-102] Cho F (x) 1a nguyén ham cia ham s f (x) 1% ron F(e)-F(1).
x
I 1
A. I=e. B.I=—. C.I=-. D. I=1.
e 2

[2D3-2-102] Cho hinh phang D gi6i han boi duong cong y =+/2+sinx, truc hoanh va cic
duong thing x=0, x=. Khdi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich
4 b'fmg bao nhiéu?

A V=2(m+1). B.V=2z(7+1). Cai=2x; . D.V=2x.

1
[2D3-2-103] Cho ‘[(L— 2 ]dxz aln2+bIn3 véi a, b 1a cac sd nguyén. Ménh dé ndo
s X+l k2
dudi day ding?
A.a+b=2. B. a-2b=0. C.a+b=-2. D. a+2b=0.
[2D3-2-103] Cho hinh phang D gidi han boi dudng cong y=e*, tryc hoanh va cdc duong
thing x=0, x=1. Khi trdon xoay tao thanh khi quay D quanh truc hoanh ¢6 thé tich V bang
bao nhiéu?
el JT(82+.1) e Jr(ej-l)

A V=—rr. B.V=——-. C.V= . D.V=
2 2 2 2

[2D3-2-104] Cho hinh phing D gi6i han véi dudng cong y=+x"+1, tryuc hodnh va cdc
duong thing x=0, x=1. Khi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich
V bing bao nhiéu?

4

A.VzT. B.V=2x. C.Vz%. D, V=2,

[2D3-3-MH1] Mot 6 td dang chay vai toc doé 10 m/s thi nguoi lai dap phanh ; tir thoi diém dé,
6 to chuyén dong cham dan déu voi v(1)=-5¢+10 (m/s), trong d6 ¢ 1a khoang thoi gian tinh

bing gidy, ké tir lic bat diu dap phanh. Hoi tir liic dap phanh dn khi dimg han, 6 t6 con di
chuyén bao nhidu mét?
A. 0,2m. B.2m. C.10m. D. 20m.
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

[2D3-3-MH1] Tinh tich phan / = jcoss x.sin xdx .

0

A.I:—izr“. B. I=—7n". C, 1=0. D. [=——.
4 4

[2D3-3-MH2] Biét F (x) 1a mot nguyén ham cia f (x) Y F(2)=1.Tinh F(3).

xX—

A. F(3)=Iln2-1. B. F(3)=In2+1. C. F(3)=%. D. F(3)=-.

4 2
[2D3-3-MH2] Cho [ £ (x)dx=16. Tinh tich phan / = [ f(2x)dx.
0 0

A. 1=32. B, I'=8. C.1=18. D. I=4,
4

[2D3-3-MH2] Biét 1:[ ——=aln2+bln3+cln5, voi a, b, cla cdc sé nguyén. Tinh
X +Xx y

S=a+b+ec.

A. 5=6. B. §=2.

L §=-3, D. §=0.

[2D3-3-MH2|Cho hinh thang cong (H) giéi han bai céc
duong y=e',y=0, x=0, x=In4. Duong thing
x=k (0<k <In4) chia (H) thanh hai phé‘m cO dién tich
la S, va S, nhu hinh v& bén. Tim k dé S, =28, .

An k=%ln4. B.k=]l’12.

SI
C.kzln%. D. k=In3. / X

[2D3-3-MH2] @ng An c6 mot manh vuon hinh elip c¢6 do
dai truc 16n bang 16 m va d6 dai truc bé bang 10 m . Ong

mudn trf:‘mg hoa trén mot dai dat rong 8 m va nhén truc bé
ctia elip lam truc ddi xtng (nhu hinh v&). Biét kinh phi dé ”

trong hoa 1a 100.000 d6ng/1m*. Hoéi édng An can bao
nhiéu tién dé tréng hoa trén dai dat d6? (S6 tién dwoc lam
tron dén hang nghin). —
A. 7.862.000 dong.  B. 7.653.000 dong. C. 7.128.000 déng. D. 7.826.000 dong.

[2D3-3-MH3] Cho ham s6 f (x) thoa man [(x+1) f'(x)dx=10 va 2f (1)~ f(0)=2. Tinh

0
jf(x]d.r.
4}
A I1=-12, B./=8. Bal=1, D. /=-8.
[2D3-3-101] Cho ham s6 f (x) théa man f’(x)=3-5sinx va f(0)=10. Ménh dé nao dudi

day la ding?
A. f(x)=3x+5cosx+5. B. f(x)=3x+5cosx+2.
C. f(x)=3x—5cosx+2. D. f(x)=3x-5cosx+15.
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Cau 39. [2D3-3-102] Mot vit chuyén dong trong 3 gio voi van toc v (km/h) phu %
thude vao thoi gian t (h) ¢6 do thi 1a mot phan cia duong parabol ¢6 dinh i
1(2:9) va truc doi xirng song song v&i truc tung nhu hinh bén. Tinh quing 9 Py
dwong s ma vat di chuyén dwoc trong 3 gidr d6. P
b [
A. §=24,25 (km) B. 5=26,75 (km) a1
C. 5=24,75 (km) D. s=25,25 (km) o
CAu40. [2D3-3-102] Cho F(x)=(x—1)e* ]a mdt nguyén ham cia ham sb Lo
f(x)e**. Tim nguyén ham ctia ham s f'(x)e™". O‘;—;F
A [ f/(x)edr=(4-20e" +C. B. [ £(x)e”dx=""Xe 4 C.
C. Jf dr=(2-x)e*+C. D. ‘[f’(x)ez"'dxz(x—Z)e"'+C.
Caud4l. [2D3-3-103] Cho F{.x) = —% la mOt nguyén ham ctia ham ) @ Tim nguyén ham cua
X X
ham s6 f"(x)Inx.
Inx 1 Inx 1
A. )In dx-—+—+C B. )In xdx =
jf 5 If Wb
C. [f(x)in dx_l NN D. [f(x 1nxdr—~1—+i+c
Sl £ 3%
Chu 42. [2D3-4-MH3]Cho ham s6 f(x) lién tuc trén R va théa man f(x)+ f(—x)=+2+2cos2x,
_"éf
vxeR. Tinh I= [ f(x)dx
L
A. I=-6. BT =1).
C. I'=-2. I =6,
Cau 43. [2D3-4-104] Cho ham s y = f (x). D6 thi cia haim sé y = f’(x) nhu hinh bén.
Pat g(x)=2f(x)—(x+1)’. Ménh dé nao dudi diy ding?
A. g( )>2(=3)>¢(1).
2(-3)>2(3)>2(1).
¢(1)> ( 3)>5(3). M
2(1)>8(3)>2(-3). - - j ;
Cau44. [2D3-4-104] Cho ham s6 y=f(x). P thi ctia ham s6 e

y=f’(x) nhu hinh v&. Dat g(x)=2f(x)+x’. Ménh dé

nao dudi day ding?

A. g(3)<g(-3)<g(1).  E
B. g(1)<g(3)<g(-3). "f\ x
C. ¢(1)<g(-3)<e(3). YR

D. g(-3)<g(3)<g(1).
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

PHAN 3. HUONG DAN GIAI TRAC NGHIEM
Chon A,

Cach 1: (Ap dung cong thirc J.cos(ax+b)d.x=lsin(ax+b)+C voi a#0;thay a=2 va
a

b=0).
Ta co: Jcos 2xdx = %sin 2x+C.

Ciach 2: Thay x:% vao f(x)=cos2x tadugc f(§]=cosz?ﬂ=%l ; sau do sir dung

Casio tim dao him ctia mdi nguyén ham & cdc ddp 4n tai x = %( bo C khi nhdp).

Phén tich phuong én nhiéu:
Phuong 4n B. hoc sinh nham sang nguyén ham cua sin x :

Isin(ax+b)d.x =—icos(anx+b) +C.
a

Phuong 4n C. hoc sinh nhdm giéng tinh dao ham.
Phuong dn D. hoc sinh nhim dao ham cia cos (ax+D).

Chon A.
2

3
Ta c6 j[f +%]dx=x———+(ﬁ'.
X <
Phan tich phwong 4n nhiéu:

Hoc sinh dé nhim phwong dn D. do nhim diu

Ap dung cong thirc J.cos(ax+b]d.x ALK (ax+b)+C v6i a#0;thay a=3 va b=0 dé c6
a

két qua.

Phén tich phuong 4n nhiéu:

Phuong én A. do nham dau va nham sang tinh dao ham.

Phuong dn C. hoc sinh nham sang nguyén ham cua sinx :

J-sin (ax+b)dx =-lcos(ax+b) +C.
a

Phuong 4n D. hoc sinh nhim hé sé 3x (coi giéng Jcosxdx =sinx+C).

¢ dx 1 dx 1
Ap dung cong thirc =—In|ax+b|+C (a #0) tadugc =—In5x-2|+C.
it '[ax+b a | I+l ) ' '[Sx—Z 5 | |
Phén tich phuong én nhiéu:
Phuong 4n B. sai do 4p dung nham I @ el (ax+b)+C nhim a véi b
ax+b a

Phrong 4n C. nhim hé s ( giéng hé s khi tinh dao ham).
Phuong dn D. sai do nham coi a=1.

J2sin xdx= 2Isin xdx=-2cosx+c.

Phén tich phwong én nhiéu:
Hoc sinh thuong sai phuong an A. sai do dp dung cong thirc dao ham.
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Ciau 6. Chon B.

Str dung cong thuc nguyén ham: Ja"dx = 1a—+ c;thay a=7.
na

Phén tich phwong én nhiéu:
Hoc sinh thuomg sai chon phwong 4n A. do nham dao ham.
Phuong dn C. , D. sai do nham sang nguyén ham ham sé lay thira.
Cau7. ChonAl
Céch 1: Ap dung cong thirc SGK.
Céch 2: Trac nghiém
Vi bai todn tinh thé tich nén ddp 4n phdi ¢ 7 trong cong thirc = Loai B, D.
Vi trong cong thirc ¢6 f* (x) trong cong thirc = Loai C.
Phén tich phuong én nhiéu:
Phuong dn B sai do hgc sinh lan véi tinh dién tich hinh phéng (quén 7 ).
Phwong 4n C sai do hoc sinh 1dn véi tinh dién tich hinh phang va thé tich.
Phuong 4n D sai do hoc sinh 1an vdi tinh dién tich hinh.

Cau8. ChonAl
I=[ £ Wde= £ (x) = £(2)- £ (1)=2-1=1.

Phén tich phrong #n nhiéu:
Hoc sinh thuong nhim phuong dn B, C do nham cén.

Ciu9. Chon'Cl

Ta co: 1=j[x+2f(x)—3g(x)]dx =“‘C_2

2

+2jj x)dx— 3jg %+2.2—3(—1)=7.

Phan tich phwong dn nhicu:
Hoc sinh thuong nham ddp an A vi:

I =:[I[x+2f(x]—3g(x)]dx=%_
Céau 10. Chon Al

‘[ +2sm x]dx
0

+2jf )dx— 3jg ._%+2.2—3=

2|

v | H

:t'-—\t«IIN

T
( )dx-l-?.jsinxdx:S—Qcosx E:}’,
0

0

Phén tich phwong én nhiéu:

T

3
Hoc sinh thuong nhim dap an C. =5-2sinx 2 31 = j x)dx+ ZI sin xdx
i)

0

Céau 11. Chon B.
Ciich I: [ f(x)dx=[2x—1dx= J(2x—l);dx=l.§.(2x—1)%=%(2x—1)\/2x—l+C

2
Céch 2: Str dung MTCT, ta biét rang [ f (x)dx=F (x)+C= F’(x)= f(x)
Phan tich phwong 4n nhiéu:

Hoc sinh thudng nham ddp dn A. do thiéu L trong cong thirc
a

n 1 | n+l
-1y dx=—.——(ax-1) +C.
I(ax ) a n+1( )
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Ciau 12. Chon D!

F(x]=J(e‘r-|-2x)dx=e"'+x2+C.
3 0 2 1 A PR T |
F(0)== @e’+C==eC=—=. Viy F(x)=c"+x"+=.
2 2 2 2

Phén tich phwong dn nhiéu: Hoc sinh thudng nham dép 4n C. do e’ =0.

Cau 13. Chon' D!

F(x]=J(Sinx+cosx)dx =—cosx+sinx+C ;Do F(%J=2 = C=1.

Phin tich phwong an nhicu:
Hoc sinh thuong nham ddp 4n A do

F(%J:—cos(%]+sin[gJ+C=2:>—]+0+C:2:C=3.

Hoc sinh thuong nhim ddp an B, C do nhim cong thirc nguyén ham sinx va cosx .

Cau 14. Chon Al

Vi F(x)= ﬁ [2 mot nguyén ham ctia ham s&

(%)

X

’

( 1 )=f(x)=>f(x)=_—zl:f'(x)=%.

2
2x X X X

Xét f'(x)Inx =%]nx; 1 =j£11nxd.x.
¥ X

nén theo dinh nghia nguyén ham ta c6

u=Inx du:ldx 1 | : |
bat = X . l=uw—[vdu=2""242 dx=—( n,,x+ ,]+C.
i dv=ﬁ% - '[ 2x’ ij3 x> 2%
% i V==
2"

Phin tich phuong dn nhidu: N
Hoc sinh thuong nham dap an D do nham dau khi tinh nguy&n ham.

Ciau 15. Chon C!

. du=ldx
u=Inx X

Cich I: I = [ xIn xdx. Daflt{ = :

/ dv = xdx v=£

2
2 AN 2 2 e 2 2| 2 2 2
o 7= Y _ji Xap=® A= x| & & 1 e+l
ey 2 2 29 2 4] 2 4
Cach 2: May tinh
Quy trinh bim mdy:
(& (O i B () (e ) ) 0 @ B @ (i) (<09 (&)
B Mith A
€
g ChlnCald oz
2. 097264025
Mady hién:
Kiém tra cdc két qua ta c6 C thoa man ( lan luot trlr tung dap dn).
Phan tich phwong 4n nhicu: o
Hoc sinh thuong nham dap an D do nham dau khi thay can:
X % e’ 17§ e x| € e 1 e+l
>I=—Inx -|———dx=——=|xdt=——"—+ =———+—= .
2 i g% 2 2 29 2 4L 2 4 4 4
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Ciau 16. Chon Al

x=0
Cach 1: Phuong trinh hoanh d6 giao diém: x’ —x=x-x* @ X’ +x' -2x=0&| x=1
x=—2

Dién tich hinh phing gi¢i han bai do thi him s6 y = x* —x va do thi hams6 y=x—x" la:
1

S = j|x3~x—(x-x3)|dx= j(x‘q’+x2-2:{)(1.):—_[():3-Hr2 —Zx)dx

43 ? 43 :

X X ) X X 2

= i Bag? | | By
[4 3 J_z [4 3 J

0
Céach 2: May tinh

x=0
Phwong trinh hoanh d6 giao diém: x’ —x=x-x’ @ x’ +x* -2x=0s| x=1

x=-2

Dién tich hinh phing gi¢i han bai d6 thi ham s6 y=x" —x va do thi hams6 y=x—x’ la:

S=j-|x3-x—(x—xz)}dx
Quy_{rinh bam:
EERmHIEDEmIE0MmI @0OED®DE

F | Math A
i -
[*) Ix-n-Cr-n20n
el ek |
Méy hién: doi chiéu véi phuong an Chon A.
Chi ¥: do két qua 1ap lai ...(3) nén két qua miu phai ¢6 chia 3 nén loai B, D.

Phén tich phwong dn nhiéu:
Hoc sinh dp dung sai cong thirc tinh dién tich hinh phang nén bo qua dap an dung.

Céau 17. Chon' D!

Cich 1: Phuong trinh hoanh d6 giao diém 2(x—1)e* =0 & x =1

Thé tich cua khéi tron xoay thu dugc khi quay hinh (H ) xung quanh tryc Ox la:

] ) 1 (1)’ du=2(x—1)
1% :.:*r“:Z(,\c—l)e‘]'d.:c=4;(_[(;\:—1)2 e’"dx . bit = o2
0 0 dv=edx V=
2
2| l e™ | l
=V =4r(x-1) —4z[2(x-1) S de=dz(x-1)" = —4z[(x—1)e"dx
] 0 0 0

u=x—l=du=dx

1
Goi V. =|(x—1)e*dx. bit 2x
o !.‘( ) ' dvze'"’"dx:)'aze

:>V,=4;r(x—l)% :}=2x—zre1+:r=3yr—7re2

l 2%
—4Jr_[e— dx =27 — me**
N 2

0
|

2x

V=4:r(x—l)3%

-V, ==2x-(37-7e*) =z (" -5)

0
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Céach 2: St dung MTCT
Phuong trinh hoanh d¢ giao diém 2(x—1)e' =0 x=1

Thé tich cia khdi tron xoay thu duge khi quay hinh (H) xung quanh truc Ox Ia:

1% =.7rj[2(x—1)e":|2d.x = 47{j(x—1)2 e™dx .

(4] (e (x109) (&) (O ) 0 E 0 0] (3 (@i i) (o) (2) @m0 e @@ E

an 2 (-1)2e2R
7.505441089

Kiém tra cac két qua ta dwoc ddp 4n D.
Phén tich phwong én nhiéu:

May hién:

- Hoc sinh dé nham chon phuong dn C. vi khi dp dung c6ng thirc tinh thé tich quén 7.

1
- Néu Chon A. hodc B. Ia do hoc sinh nh¢ sai cong thirc V = H2( x—1)e*
0

\Y, =7Ij|2(x—1)e'*|dx.

0

Ciu 18. Chon'Al

Ta co:
S=j|f(’”)|dx=b=j‘f(x)|d-"+i|f(x}|dx =—jf(x)m+jf(x)m=—a+b.

Phén tich phrong #n nhiéu:
- Hoc sinh dé nhin d6 thi ma nham twong § =b+a nén Chon B.
- Con néu Chon C. hoac D. thi nhim diu.
Cau 19. Chon C!
PP 1:
Pit u=x"—1=>du = 2xdx.
Pdican: khi x=1=u=0:khi x=2=u=3.

z 3
Do d6: I =J'2x X —1¢r=j\/fcdu.
1 0

PP 2:
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Diing MTBT tinh [ = [2xy/x> ~Idx gin cho bién A.

FEEOBE@EOEBEED®® D 2 E) O

Math A

L 2% (%21 dx+ﬁ
3.464101615

3
Tiép tuc diing MTBT dé tinh, ta thiy [vudu—A=0(=1,94.10") nén nhin Chon C.
0

N (3 =) i D &> & @ B & = ) () &

2 Math A

|2 ae-n
1,945t 2

Phén tich phrrong #n nhiéu:
- Hoc sinh Chon B. hoac D. la do khong d6i céan va tinh sai dao ham.
- Chon A. la do tinh sai dao ham ddn dén doi can sai.

Cau 20.

Cich 1. Pat t=e* =>dr=e'dx. Péican: x=0=>t=Lx=1=t=¢

je +1_J e'dr =j (dr =j[1 ljdr (Infe|=Infe+1])] =(1-In(1+¢))~(~In2)

(e+1) Jr(e+1) lr r+1
=1
Sl =1-in T I T aplile T 5,
l+e¢ 2 b=-1
(e +1)- L Ld(e
Ciich j | =j j D s o, ~Infer +1] 1-1 X<
'+l 5§ & +l 4 ° 2

Suyra a=1va b=-1.Vay S =a’ +b*=0.

Phén tich phrrong 4n nhiéu: '

- Khi tinh sai tich phan hs sé khong chon dugc ket qua dung.
Ciau 21. Chon €l

Dién tich thiét dién la S(x) =3xy3x°=2.

3

Suy ra thé tich vat thé tao thanh 1a: V = js (x) J3x 3x’ —2dx = 1§4

|

Phan tich phwong dn nhiéu:
- Ap dung cong thirc sai s& dan dén két qua B. A.vaD.

Ciu 22. Chon'Cl
Ta co phwong trinh /2 +cosx =0 v6 nghiém nén:
T

V= ﬁj(\!2+cosx)2dx=7zj(2 +cosx)dx = 7(2x+ sinx)‘i; =x(z+1).
0 0

Phan tich phuong 4n nhiéu:
- Ap dung sai cong thirc tinh thé tich, thiéu 7z dan dén Chon D. hoac A.
- Khi tinh tich phan nham diu dan dén Chon B.
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Ciau 23. Chon D!

bat t=3x ;dt=3dx.Taco x=0=t=0;x=2=1=6.

1 | I
.'=§£f(r]dr=§£f(x)dx=§.12=4.

Phén tich phuong én nhiéu:
- Hoc sinh dé nham B. do sau khi dat r = 3x thay vao sai.

Ciu24. Chon B.

y
9":’1{
1R
NEEE
01231t
Parapol (C) di qua diém (0;4) va c6 dinh 7(2;9). Goi phuong trinh parapol (C) c6 dang
_02
c=4 c=4 & . 4 X
v=at’+bt+c thi: {4a+2b+c=9 & 4a+2b+c=9 < b=35 :>[C):v=—zr2+5r+4.
_1*2 4a+b=0 c=4
2a

= phén parapol ¢6 phuong trinh £ = —%rg +5t+4,0<t<1.

L]
[

Ta co A(l;%}e (C)=> phén con lai ctia dd thi 1a doan thang ¢6 phuong trinh

IA
—
IA &
LFS]

Vay quang duong s ma vit di chuyén dugce trong 3 gio la:
| 3
3
5= j[—iﬁ +5r+4]d: +[2lar=21,58 (km).
1] 4 1 4
Phin tich phwong 4n nhiéu:
- Phin tich d¢ bai sai dan dén két qua sai.

Cau 25. Chon C!

e

. flnx I n’x 1
PP I: Tinh 'I[de-:'l[]n.fd(ln.T):Tl ~_—§.
RP 2%
Bim mreT: (& () [ ] ) @ (s ) & & (1 @ (ke x10 (=)

@ Math A

€1rnix)
L w O 1
2

Phén tich phwong én nhiéu:
- Khi hiéu sai nguyén ham dan dén tich sai tich phan hoc sinh dé chon nham ddp an.

Ciu 26. Chon B.

Ta c6 phwong trinh 2+sinx =0 v6 nghiém nén:
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Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

1% =Jrj(\/2+sinx]2dx= ET(2+sin x)dx =7z(2x—cos x)| =27 (7+1).
0 (4]

Phan tich phrrong dn nhiéu:
- Ap dung sai cong thire tinh thé tich( thiéu z) nén dé Chon A.
- Khi nhdm cos0 =0 dan d&én Chon C. hoic tinh sai tich phan thi Chon D.

1

1
Ta c6 J;[ﬁ— xlzjdxz (nx+1|=1n|x+ 2|)|n =(In2-1n3)~(In1-1n2)=2In2~In3

suyra a=2,b=-1=2a+2b=0.
Phén tich phuong 4n nhiéu:
- Tinh sai tich phan sé khong ra dap an diing.

| 2
1% =.7rje“dx = %fre“ M.
0

. 2

Phén tich phuong 4n nhiéu:

- Tinh sai lity thira s& Chon A. hodc 4p dung sai cong thirc tinh thé tich thiéu 7 s& chon nhdm
C.

- khi nham déu tinh can trén véi can dudi khi tinh tich phén s& chon nhim B.

Vi phuong trinh +/x° +1 =0 vd nghiém nén

vV =7r;[(\fx3+1)2dx =2r':[(x2 +])dx=7f(£+x]‘l :4_97.

3 g3

Phan tich phurong dn nhidu:
- Ap dung sai cong thic tinh thé tich thiéu 7 s& dan dén Chon C.
- Tinh sai tich phén sé& dan dén Chon B. hoéac D.

: —5t"
Ciich 1: Quang dudmg vat di chuyén s () = [v(r)ds = [ (~5¢+10)dt = )

+10f4+ €

Tai thoi diém 7=0 thi s(z)=0,do d6 C=0 va 5(:):%-}-101:_—;(:—2)24-10510

Xe ding han khi dugc quing duong 10(m) ké tir lic dap phanh
Cach 2: Khi vat dung lai thi v=0=-5t+10=0&1= 2(5)
Quaéng dudng vat di duge trong thoi gian nay la:

s(t) =iv(r)dr=i(—5r+10)dt =[-Zr2 +10f]2

0 0

=10(m).

Phén tich phuong én nhiéu:
- Khi khong phan tich dting bai toan hoc sinh s& chon sai dap an.

Cach 1: Taco: 1 =_|‘cos3 x.sin xdx . Pat r = cos x = df = —sin xdx & —df =sin xdx
(1]

File word lién hé: toanhocbactrungnam@ gmail.com MS: GT12-C3



TAI LIEU HQC TAP TOAN 12 - NGUYEN HAM-TICH PHAN-UNG DUNG

Cau 32.

Cau 33.

Cau 34.
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-1 4' S
Pdican: voi x=0=>r=1;véi x=r=1t=-1. Vayl =— Jr"dt—].ﬁdr Fl :lz—( )
-1 —1

Cach 2: May tinh
Quy trinh bim

|@mm@®@@@|

F] Math &

|Zccoscin@sine
0

May hién:
Phin tich phwong dn nhiéu:

- Khi hoc sinh déi bién nhung quén khong déi can din dén Chon A. Hoac vira quén khong doi

can va tinh sai tich phan/ = —J £dr = —It‘th = _r4‘o =—7" s& Chon B.
1]

- Hoac do1 can sai s€ Chon D.

x)={ f(x)dx= j—dx InJx—1]+C. F(2)=le hl+C=1aC=1.

Vay F(x)=In|x—1|+1.Suyra F(3)=In2+1.

Phén tich per(‘mg 4n nhiéu:
- Ap dung sai cong thirc nguyén ham dan dén Chon C. Hoic D.
- Tinh nhdm C =1 din dén Chon A.

]
I=If(2x]dx.Dat r=2x=dr=2dp Dolcan: x=0=sr=0;x=2=51=4,
0

17 17
Khi d6: 1 =— t)dt =— dx=
a6 T=c [ AU )
Phan tich phwong dn nhiéu:

- Péi bién nhung hs chuyén doi nham 7 = l_[ t=

0

La
g

Dl———..tz-

Hogc | =— _[j t)dt = _[f )dx =4 din dén Chon D.

- Tinh sai dan dén két qua A.

dx =16.dan dén Chon C.

Cach 1
4 -
I=J. zd.x . Ta co: ql = 1 =1— ! .
s X Ex X +x x[x-l-l) x x+l1
Khi d6
fode 11 !
I=[— =I['———de=[lnx—ln(x+]):” =(In4—1In5)—(In3-In4)=4In2-In3—In5.
L XX EL X x+1 3

Suyra: a=4,b=-1,c=-1.Vay§ =2.
Cach 2: Casio
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Cau 35.

Cau 36.

4 i ah 20
Taco: [ =J =aln2+bIn3+cIns = e’ =g n2tthiichs =e]“(' ) =el =230 5°

3 Xt +x
a=4 a=4

Hay E:z‘*ﬁ”.sc o 2'=23"5" b+ 1=0=<b=—1=>S=a+b+c=2.

I c+1=0 c=—1

Phan tich phuong dn nhiéu:
- Xdc dinh sai a, b, ¢ dan dén chon sai dap an.

A

0 k Ind

¥ o

E ) ke % L[n4
o=¢ —1va ngje'dxze
k

k

k

PPI: Tacé S, =Ie"’dr=e" =4-¢".
0

Tacé S, =25, @ e —1=2(4-¢") & k =In3.

PP2: CASIO

¥ In4
e Budc 1: NHAP la biéu thirc [e*dx—2 [ e*dx
0 ¥
¢ Budc 2: Dung chirc nang S, —25, CALC, gan X gia tri bét ky, ¥ la cac gia tri trong 3
ddp 4n A, B, C, két qua bing 0 hodc v6 ciing nho ¢ ddp nao. thi chon dp 4n d6, néu
khong thoa man thi Chon D.

Phan tich phuong an nhiéu:
- Bam nham hodc tinh sai tich phan dan dén chon sai dap an.

8m

e S
2 2

PP1: Gia str elip c6 phuong trinh x—2+;—2=1, voi a>b>0.
a

Tir gia thiét tacé 2a=16=a=8 va 2b=10=>b=5
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5 ;
2 y=—2\64=" (E)
Vay phuong trinh cua elip la LN I PN
64 25 5 >
P 64—y

(E,)

Khi d6 dién tich dai vuon dwoc gidi han boi cac duong (E, ), (E2 ), x=-4, x=4 vadién tich
5 o

cua dai vuon Ia S =2j— 64—x2dx=—j 64— x*dx
-8 2n

72"\/@)

Tinh tich phan niy bang phép dbi bién x =8sinz, ta duge S = 80(3*7

B

Khi d6 sé tién AT =30(%+T)' 100000 = 7652891,82 = 7.653.000 .
5 4

PP2: Casio S =—j 64— x2dx
2 0

EFELEEReEEEEHEX®O® @) E

Cira s8 bat .

|25 feasZ ux
76.5289182
T =76,5289182.100000 =7652891,82 = 7.653.000 .

Phin tich phwong 4n nhiéu:
- Tinh sai tich phéan, khong doi can dan dén chon sai dap an.

Math &

Ciu 37. Chon'D!
u:‘x+1 dH—_-dx - 15 _ |_I
bit {dv=f’(x)dx:’{v=f(x)'l<h' d6 1=(x+1) £ (x)), [ £ (x)dx

Suy ra ]O=2f(l_)—f(0)—jf(x)dx:>jf(x)dx=—10+2=—8

Vay jf(X)dﬁ-S‘

Phin tich phwong dn nhiéu:
- Nham diu khi thay tich phan ting phan s€ chon nham dip an A. Hoéc C. hoac B.

Ciau 38. Chon Al

Tacé f(x)=3x+5cosx+C ma f(0)=10 nén f(0)=3.0+5.cos0+C=10< C=5.
Viay f(x)=3x+5cosx+5.

Phan tich phwong 4n nhiéu:
- Nhdm nguyén ham sin x = cos x dan dén Chon C. hoic D.
- Tnh sai € din dén Chon B.

Céau 39. Chon €/
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Ciu 40.

Cau 41.

Cau 42.

v
I

9/‘\
6f |

1
|
I
1
1
1
1
|
I
|
1
!
1
|
1
1
I
1

|
1
|
1
|
|
1
1
|
I
|
1
1

&

o 23 &
Gia sir van tdc ciia vt chuyén dong c6 phuong trinh 1a v(r)=ar’ +br +c.

Tacé v(2)=9 4a+2b+c=9;v(0)=6c=6.

) _—b: 4a+b=0 a=_—3
Viy ¢ 2a = i 2b_,;<=> 4 .
4a+2b+6=9 =D g

Vay: v(t) =_T3t3 +3t+6.

Goi s(¢)1a quang dudng ma vat di chuyén dugc trong thoi gian 1. Ta cé s'(1) =v(t).
Vay quing duong s ma vat di chuyén duge trong 3 gid 1a:

=

=3 ;

s(1) =j(—r +3r+6jdr Y

o\ 4 4
Phin tich phwong 4n nhiéu:
- Tinh sai tich phin dan dén chon két qua sai.

Chon C.

Ta c6 If (x)e™dx=(x-1)e"+C= f(x) e =e*+(x—1)e" = xe

= f(x)=xe? = f(x)=(1-2)e*

Suy ra jf’(x) e**dx = J.(l—.x)e’dx= I(l —.'x)d(e"') =" (1—x)+je“d.r =e"(2—-x)+C.
Phén tich phuong @n nhiéu:

- Tinh sai nguy&n ham Jf’(x)e”dx dan dén Chon A. hoic B. hoic D.

Ta co: F(Jn:)—l 3i=i4=f(x):>.f(x)=%.
' ¥ X
i u=Inx du=—dx
Xét 1= f'(x)Inxdx. Dt PR X
V= X
v=flx)
Taco: I =Inx.f(x If x)dx+c E+L+C
P 3

Phin tich phrong dn nhleu.
- Tinh sai nguyén ham din dén chon sai ddp 4n.
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iz
. iz 3z 3z 3z :
DPoicin: x=——=f=—; ; x=—=t=——_Suyra: I = —t)dr.
: 2 2 2 2 | 70

Ir

2
Mit khédc: f(t)+ f(—t)=v2+2cos2t =4cos’t =2‘cost‘ (thay x=1).
3 i

iz

Tags: 2 = j [f(0)+ f(-t)]de= i 2|cost|dt. Suyra: I = I |cos|dt.
3z 3=

3z

2 2 2

3z 3r

PP2:] = J |cos|dt =2I [cosz|dt. (Do [coss| Ja ham s6 chiin trén doan [—%;%})
0

kF s

2

3 . 2 5 . i
=2J|cosf|dt+2j |cosr|dt =2J.cosrdt—21 cosdt = 25in1‘g —2sim“)§ =6.
4] ; ] g 2
PP 3: Dung MTCT:
FEERZBAMDEFDDO®® = E
EEERIOIBIGIRICICI B ER FRIGIAIS
r e B Math A
J 124200020
12
£ (x) 1a ham chin nén ta duge 2/ =12=1=6
hoac tinh nhur sau:
3T iz
I= J |cosr|dt =2I ‘cost‘dt. (Do ‘cosr‘ 12 ham s6 chan trén doan {—%;%})
T 0

2

In T ir

R 2 3
=2 |cosr|dr+2_[ |cos t|dr = ZIcosrdt—Zj coszdr = 2sint
x 0 %

= Ak

4 £
3 ol 2 —
2 —2sin7|? =6.
2
2 2
Phan tich phwong dn nhicu:
- D6i cén sai, tinh sai tich phan dan dén chon sai dap dn.
Cau 43. Chon'D!

Tacé g'(x)=2f"(x)—2(x+1)

g(x)=0e f(x)=x+1 g

Bang bién thién

X —co -3 1 3 +oo

gxX) - 0 + 0 - 0 +
)+oo g(]) +o0

9 NSy e

Suyra g(-3)<g(1) va g(3)<g(1).
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Theo hinh vé :i‘[f'(x)-(x-lrl)}dx:)- j‘[(x+l)~f’(x)}dx = %j g’ (x)dx >~%jg'(x)dx

o g(x)), > (x)] @ g(1)-g(-3)>—¢(3)+2(1) & g(3)>g(-3).
Vay g(1)>g(3)>¢(-3)-

Phén tich phuong én nhiéu:
- Phén tich sai bang bi¢n thién dan dén sai két qua chon sai phwong an.

Ciu 44. Chon'B.
L

Tacé g'(x)=2f"(x)+2x= g'(x)=0=xe {-3;1;3}.

Tirdo thicia y=f’(x) taco bang bién thién. (Chi ¥ 1a ham g (x) va g’(x))
X —0 —3 1 3 +00

g'(x)

@) |_—" Ny T T

Suyra g(3)>g(1).

1
Két hop véi d thi ta co: [ (—g’(x))dx> [ g’(x)dx
-3

o | &/ (x)dr> [ ¢/ (x)dx e g ()= (1) > £ (3)-g (1) = £(-3)> £ (3)
Véaytacé g(-3)>g(3)>g(1).

Phén tich phuong én nhiéu:
- Phan tich sai bang bién thién din dén sai két qua chon sai phwong an.

¥
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Chuyén: TOAN

» LOP6,7,8,9,10,11,12

> LUYENTHILGP10

» LUYEN THI THPT QUOC GIA

TRON BO TAI LIEU HOC TAP
Mdn: TOAN - Lép: 12 va THPTQG
N&m hoc 2017-2018

Tai liu TOAN 12 theo chii dé (7 chii, dé)
Bdi tdp trdc nghiém TOAN 12 quyén 1

Bai tdp tric nghiém TOAN 12 quyén 2
Bdi ldp ric nghiém TOAN 12 quyén 3

Bé- dé thi thit THPT néim 2017

Bé- dé thi thit THPT naim 2018

Bé dé thi DH- CD - THPTQG tir 2002 — 2017
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