CHUYEN PE: PHUONG PHAP TQA PO TRONG MAT PHANG
Bai 1: VECTO TRONG MAT PHANG TQA PQ

A. TOM TAT LY THUYKET :

1. Pinh nghia: H¢ truc toa do gém hai truc

vudng goc Oz va Oy véi hai vecto don vi lan y

lugt 14 4, 7. Diém O goi 13 gdc toa d6, Oz goi Y

1a truc hoanh va Oy goi la truc tung. K

Ki hiéu Ozxy hay (O;;,;') o o
Hinh 1.31

2. Toa dd diém, toa d vec to .
+ Trong hé truc toa do (O; i,j) néu u = xi + yj thicap sb (:v; y) duoc goi la toa do cua vecto
u,kihi¢ula u = (x,y) hay u(x,y)

x duoc goi 1a hoanh d9, y dugc goi la tung do cua vecto u

_

+ Trong hé truc toa do (O;g, ; ) , toa d0 cua vecto OM goi la toa do cia diém M, ki hiéu 1a
M = (a:; y) hay M ( x; y) . x dugc goi 1a hoanh d¢, y duogc goi la tung do cua diém M.

Nhdn xét: (hinh 1.31) Goi H, K 14n luot 13 hinh chiéu cua M 1én Ox va Oy thi
M(m;y)@@zmg+y;=@+07

NhuvéyO—H::c_z:,O—K:yEhayx:O_H,y:O_K

3. Toa d¢ trung diém ciia doan thing. Toa dd trong tim tam giac.
+Cho A(z,;y,), B(r,;y,) va M 14 trung diém AB. Toa dd trung diém M(xM;yM ) cua doan

2 _I_ +
thing AB Iz 7, = 4 2%’%] _ Y 2113

+ Cho tam giac ABC ¢6 A(z;v,), B(x,5v,), C’(xc;yc). Toa d6 trong tam G(xG;yG) cla

. . T, tT, +T,
tam giac ABC' 1a z, =% va y, =

Ya T Y T Yo
2

4. Biéu thir toa d9 ciia cac phép toan vecto.

—_—

Cho u = (z;9) ;u' = (z';y") va sd thue k. Khi d6 ta co :
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- — x
Du=u"< |
Yy

2) ;i;:(xix';yiy')
3) ko = (kz; ky)

z'=kz

4)Jcﬁngphu’0’ng ZL(ZL¢6)khivéchikhicéséksaocho{ g
Yy =Ry

5) B0 dai vecto |u 2

=V’ +y

6) Cho A(z,3y,), Blxyy,) thi AB = (2, - ,5y, - y,)

AB = ‘AB‘ = \/(xB -z, ) +(y, —y,)
B. CAC DANG TOAN VA PHUONG PHAP GIAL

1. Dang 1: Tim toa d§ ciia vecto; cac phép toan trén vecto trén hé truc toa d(f)(O;;)

Phwong phap giai.
+ Phwong phap.
-Dung dinh nghia vectou = zi + yj thi u = (x;y) hay u(x,y)

- Dung cong thtre tinh toa do cua vectou +v, u—v, ku

Vi 4=(%9) W =(350) G b thye kb, khi do UEV=(XEXTYEY) 4 ku=(keky)

A. Vi DU MINH HQOA

I- BAI TAP TU LUAN:

Vi du 1: Trong mit phang Ozy , cho 3 vecto: a= ( 3; 2) b = ( —1;5) c= ( —2;—5)

Tim toa do cua vecto sau

a) a+b b) b —¢ Ok=2a+b d)l=-a+2b+5c
Loi gidi:

a)Tacod a+b = (3+(-1);2+5) = a+b = (27).

b) b~ = (-1 - (~2)i5 — (-5)) = (1;10)

¢)Tacd 2a = (6;4) b= (-1;5) suyra k = (6-1L4+5)=(59);

d) Ta co:



—

—a = (-3;-2), 2[; = (-2;10) va 52: (-=10;—25) suy ra
I=(-3-2-10;-2+10-25) = (-15-17)

Vi du 2: Trong h¢ truc toa do (0;;; }) cho hai véc to @ =2i— 4}' ; b=—5i+ 3}' . Tim toa do ctua
vecto u=2a—-b
Loi gidi

Taco a=(2-4) va b=(-53) = u=2a-b=(9;-11).

Vidu3:Cho a = (1;2), b= (=3;4) ; ¢ = (~1;3). Tim toa do ciia vecto u biét

—

Q) 2u—3a+b=0

b) 3u + 2a + 3b = 3¢

SN
Il
o
ISa
Il
I
S
|
[
S

a) Ta o 2u — 3a +

- (3 3
Suyra u = (§+5;3—2j = (3:1)

b) Ta co 3&+2&+3B=3E@&=—§&—5+c

Suyra v =| —2+3-L-2_443|=[3._7
3 3 37 3

Vidu4: Cho d=(1;2) va b =(3;4).

Tim d0 dai cua cac vecto a, b va 2d +3b
Loi giai

Taco |a|=1"+2* =/5;
Taco 2a+3b =(11; 16) |2 +3b| = V11’ +16* = /377

13|= 32142 =5

2. Dang 2: Bai toan lién quan dén sy ciing phwong ciia hai vecto.
Phéan tich mgt vecto qua hai vecto khong cung phwong.
1. Phwong phap.

e Cho u = (x;9) ;u—' =(z";y") . Vectou' cung phuong véi vecto ZL({L # 6)khi va chi khi
"= kx

!

¢6 s0 k sao cho {

T
y'=ky



- — !
Chuy: Neu zy # 0 tacd u' cung phuong v < r_Y
x Y

e Dé phan tich E(cl; C, ) qua hai vecto Zz(a ja, ), b ( b,;b ) khong cung phuong, ta gia su

17772 1772
- - - - as A taia \ a1x+b1y:cl
¢ = za + yb . Khi d6 ta quy vé giai hé¢ phuong trinh

a,r + by = c,
2. Cac vi du.
1.Bai tap tu luan:
Vi du 1: Trong mit phang toa d Oxy, cho cac vecto u = (—2;1) vay =3 —mj.Tim m dé
hai vecto u , v cung phuong.
Loi giai

Ta co \7:35—m7:>\7:(3;—m).

. - = 3 - 3
Hai vecto u , v cung phuong <:>—2=Tc>m=5.

Vi du 2: Cho u = (m2 +m—2 ;4) va v = (m;2) . Tim m dé hai vecto 1:, v cung phuong.
Loi gidi:

+V6im=0:Tacod u = (-24) ;v = (0;2)
. 2 . T A
Vi — # 1 nén hai vecto u ;v khong cung phuong

+Véim #0:Taco u ;v cing phuong khi va chi khi

2 = —
m +m-2 4 m = -1
— e m-m-2=0&

m 2 m = 2
Vay véi m = —1 va m = 2 1a cac gid tri can tim.

Vi du 3: Cho cac vecto Zz=(4;—2),B=(—1;—1),E=(2;5). Phan tich vecto b theo hai vecto

avac

Gia su b:ma+nc<:>{



Vidu4: Cho a = (3:2), b = (-3;1)

a) Chung minh & va g khong cung phuong

b) bat u = (2 - a;)g +(3+ y)g Tim z, y sao cho u cung phuong véi va+bvia+h .
Loi gidi:

3 2 : -7
a) Tacod: — # 1 nén hai vecto ¢ va b khong cung phuong

b) Taco u = -3z - 3y - 3;-20 +y +7)

ra+b=(3z-32z+1),a+b=(03)

u cung phuong véi xZL +Z va ZL+5 khi va chi khi c6 s6 k, [ sao cho
w=b{eavi) =i(a+h)

—3z -3y -3 =k(3xz-3)
2z +y+7=k(2z+1)

Do do
-3z-3y-3=0
—2r+y+7=3l
T =2 =1
Suy ra hodc
=-3 y=-2

2. Bai tip tric nghiém:

Cau 1: Trong mit phang Oxy, cho @ =2i —3/. Toa dd cia a 1a

A a=(2;-3).B. a=(-2;3). C. a=(2;3). D. a =(-2;-3).

Cau 2: Trong mat phang Oxy, cho @ =7 +3. Toa dd cua a la

A . a=(;-3). Bba=(13). C.a=(-13). D. a=(0;3).

Cau 3: Trong mit phing Oxy, cho @ =17 —2;. D¢ dai cia d 1a

A. 2. B. /5. C. 2. D. 1.

Cau4: Trong mit phang Oxy, cho d = (-3;2) Tim |ﬁ|

A. |d|=2. B.||d| = /13. C. |a|=+5. D. |a| =>2..

Cau 5: Trong mit phing Oxy, cho @ =17 +3/. Toa dd cia d la



A.a=(1-3). Bl@=(3). C.a=(-13). D. a=(0;3).

Cau 6: Trong mit phiang Oxy, vecto @ = (—3;2) duoc phén tich theo hai vecto don vi
A a=37+2]. B. d=-3i. Ca=3i12). D.a=-3+2].
Cau 7: Cho céc vecto a = ( 2;0), b= [—1;—), c = (4;6).

1-Tim toa do vecto 'z: biét
a)u =2a —4b +5¢
A u = (2-8) B. u = (8-28)

b)a —2b +2u=c

— 7 — 3 - 7
Acu = (-2~ B. u = (0= D.u = (-1;—
( 2) ( 2) - ( 2

2-Timdé daicia u = a +2b — 3¢

A. 344, B. \/433. C. 2. D. 1.
Lai gii:

l.a) u = (28;-28) b) ; = (055)

Caus8: Cho a = (1;2), b = (=3;0) ; ¢ = (-1;3)
a) Khang dinh nao sau day dung
A. hai vecto a ; b khong cung phuong B. hai vecto a ; Bcimg phuong
C. hai vecto ;; ; b song song D. hai vecto 5 ; b nguoc chiéu
b) Phan tich vecto E qua a ; b
A.E:-35+§5 B.Z:lg+ég
3 3 9
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Loi gidi:
a) Ta co _Tg * g = ;L va g khong cung phuong

b)Giésﬁ’g:xZL+yg.Tacé x(;+yg=(x—3y;2x)



2
r—-3y=-1 r=< -
Suy ra = 3= c=Za+2b
20 = 3 5
9

Cau 9: Khing dinh nao trong cac khang dinh sau 1 ding?

A. Haivecto u = (4;2) va V= (8;3) cung phuong.

B. Hai vee 0.4 =(-5,0) vh §=(~40) cing huéng.

C. Hai vec to a = (6;3) va b= (2;1) nguochuong.

D. Vec to ¢ = (7;3) l1a vec to dbi cua d = (-7:3).

Cau7: Cho a = (—5;0),5 =(4;x). Haivec to a va b cing phuong néu sé x la:

A. 5. B. 4. C. -1. D. 0.

Cau 10 : Trong mit phing toa do Oxy, cho céc vecto i =(2;-4), @ =(-1;-2), b= (1,-3). Biét

i =mad-+nb,tinh m—n.
A. 5. B. 2. C. -5. D. 2.

Loi giai
2
o - -m+n=2 m——g
Tacd u=ma+nb & =
2m-3n=-4 8
n=—
5

Suyra m—n=-2.

Cau 11: :Trong h¢ truc (0;;;}') , toa do cua vec to ;+} la:

A. (-L1). B. (10). C. (0;1). D. (L1).
Loi giai

Chon D.

Tacé: i+ j=(1;0)+(0;1)=(L1).

Cau 10: Cho u = (3:-2), V= (1:6). Khang dinh nao sau dy la dang?

Ay Vi a= (—4,4) nguoc hudng. B.u, v cing phuong.
Cu—v vab= (6,—-24) cung hudng. D.2u+v, v clng phuong.
Loi gidi

Taco u+v=(4,4) vd u—v=(2,-8).

Xét ti sb 4 # %—) u+v va a= (—4,4) khong cung phuong. Loai A

Xét ti 86 %7& %2—> u, v khong cung phuong. Loai B

Xét ti 86 %: 8 _ >0——> u—v va Z;:(6;—24) cung hudng.

8 _1
-24 3
3. Bai tap tu luyén:

Cau 1: Trong mit phing Oxy, cho @ =3/ —4. Toa dd cua d la



A. a=(0;-4). B. @ =(3;0). Ca=@9ID. a=(-34).

Cau 2: Trong mit phiang Oxy, vecto a = (5;—2) duoc phén tich theo hai vecto don vi

A G=5+2]. B.d=5i. C.a=2j. D.d=57-2].

Céu 3: Trong miat phang Oxy, vecto & = (4;1) duoc phan tich theo hai vecto don vi

WS boa-ai. Ca-j D G—di ]

Cau 4: Cho4 :(0’1),b=(_l;2),c:(_3;_2) .Toa dd ctau =3a+2b—4c:

A. (10;-15). B. (15;10). C. (1;15). D. (-10;15).

—

Céu 5: Cho 9=31=4J ya 0=1=J Tim phat biéu sai:

A. [d=5. B. [l -o0. C.a-b=(2-3). D.[o[=+2.
Cau 6: Cho :1:(x;2),5=(—5;1),#=(x;7).Vec to ¢ =2a+3b néu:

A. x=3. B. x=-15. - D. x=5.

Cau 7: Vecto a = (—4;0) duoc phan tich theo hai vecto don vi nhu thé nao?

A a=—4i+]. B.a=—i+4]. C.a=-4;. D. a=—4i.
Loi giai
Chon D
Tacod: a=(-40)=a=—4i+0j=—4i.
Cau 8: Trong hé truc toa do (0,17,]) cho cdc vécto sau: d =47 —3] , 5 = 2] . Trong cic ménh dé sau tim

ménh de sai:

Aa=(4-3). - c.b=(0;2). D. [a|=5

Céu 9: Ménh dé nao sau day ding?

Loi gidi
Chon C

Ta co: &:(2;—1):—(—2;1):—; — u va v ddi nhau.

Céu 10: Cho d=(2;1), 5=(—3; 4), ¢=(-4;9). Hai s6 thuc 7, " théa man mé+nb=¢

Tinh m* +n°,
A. 5. B. 3. C. 4. D. 1.



Loi giai
Chon A.

n=2

2m—-3n=-4 m=1
=
m+4n=9

Taco: ma+nb=¢c < {

3. DANG 3: Tim toa d$ diém, toa dd vecto trén mit phang Ozy .
1. Phwong phap.

e Dé tim toa d0 clia vecto a ta lam nhu sau
Dung vecto OM = a.Goi H, K 1an luot 12 hinh chiéu vudng goc cia M 1én Oz, Oy . Khi d6

(;(al;%) VOl a, = O_H, a, = O_K

e Dé tim toa d6 diém A ta di tim toa do vecto OA

o Néu biét toa do hai diém Az ,zy,), B(x,;y,) suyratoadd E duogc xac dinh theo cong
thitc AB = (wb, - Ty, — yA)

Chu y: OH = OH néu H nim trén tia Oz (hoic Oy ) va OH = —OH néu H nam trén tia di tia
Oz (hodc Oy)

2. Cac vi du:
1-Bai tap tu luin:

Vi du 1: Trong mit phing toa
d0 Ozy . Cho diém M (z;y).

Tim toa do cua cac diém

a) M, dbi xtmg véi M qua truc

hoanh
0 X
b) M, d6i xtmg voi M qua truc

tung M; M,

A: o 4 Hinh 1.32
¢) M, do6i xing v6i M qua goc

toa do

Loi gidi:
a) M, d6i xting v6i M qua truc hoanh suy ra M . (x; —y)
b) M, d6i xtmg véi M qua truc tung suy ra M, (—:U; y)

c) M, dbi xtmg voi M qua gbc toa do suy ra M, (—a:; —y)



Vi du 2: Trong hé truc toa do (O; g; ; ), cho hinh vuéng ABCD tam I va c6 A(1;3). Biét diém

B thudc truc (O; g) va B—C cung hudng véi ; Tim toa do cac vecto E, % va R

N e

Loi gii:
(hinh 1.33)

Tur gia thiét ta xéc dinh dugc hinh vudng trén mat phéng toa do

(hinh bén)
Vidiém A(1;3) suyra AB =3, 0B =1 y
A D
Do d6 B(10), C(4;0), D(4;3)
Vay AB(0;-3), BC(3;0) va AC(3;-3) 0
ol B Cx
Hinh 1.33

Vi du 3: Trong mit phang toa @ Ozy . Cho hinh thoi ABCD canh ava BAD = 60°. Biét A
trung véi géc toa do O, C thudc truc Oz va z,; > 0,y, = 0. Tim toa do cac dinh cta hinh thoi

ABCD

Loi gidi:
(hinh 1.34)

Tu gia thiét ta x4c dinh duoc hinh thoi trén mat ph'fmg toa
d6 Ozxy

Goi I 1a tam hinh thoi ta co

BI = ABsinB/\AI = asin 30° =%
2

3 V3
Suyra A(0;0), B[UJT;%J, C(a\/g;O), D[%;—gj

Hinh 1.34

2

Vi du 4: Trong hé truc toa do (O; g; 3 ), Cho tam giac déu ABC canh a, biét O 1a trung diém
BC, ; cung hudng véi %, ; cung huéng O—A
a) Tinh toa d¢ cua cac dinh cua tam giac ABC

b) Tim toa d6 trung diém E ctua AC
10



¢) Tim toa d6 tdm duong tron ngoai tiép tam giac ABC

a) A(O;@j, B(—%;OJ, C[%;oj

by ELQ@J

N e

Loi gidi:

4’ 4

a3

¢) Tam duong tron ngoai tiép tam gidc déu tring véi trong taim G ( 0; T]

Vi du 5:Trong hé truc toa do (O; ;; 3 ), Cho hinh thoi ABCD tamOc6 AC =8, BD =6.
Biét % va ; cung hudng, @ va ; cung hudng.
a) Tinh toa d0 cac dinh cua hinh thoi

b) Tim toa d6 trung diém I ctia BC va trong tdm tam giac ABC

N e

Loi gidi:

a) A(-4;0),C(40), B(0;3), D(0;-3)

3 .
b) I(Z,QJ,G(O,I)

Vi du 6:Trong mit phing toa do Oxy, cho cic vecto a=3i —2j,b =(4;—1) va cac diém M(-
3;6), N(3;-3).
a) Tim mdi lién hé giira cac vecto MN va 2a-b
b) Cac diém O, M, N ¢6 thang hang hay khong?
¢) Tim diém P(x;y) d¢ OMPN Ia hinh binh hanh.
Loi gidi:

a)Tacod a=(3;-2). 2a—b =(2.3-4,2.(=2)+1) = (2;-3).

va MN =(6;-9)
Vay MN =3(2a—b)
b) Ta cd6 OM = (-3;5), ON =(3;-3)
Vi _?3 # %nén hai vectoOM, ON khéng ciung phuong. Suy ra cac diém O, M, N khong cing
nam trén mot duong thang. Do d6 O, M, N khéng thing hang.
¢) Céac diém O, M, N khong thang hang
Dé OMNP la hinh binh hanh khi va chi khi OM =PN
Goi P(x; y)

Ta cOOM =(-3;5), PN =(3-x;—3—). Suyra
11



-3=3-x x=6
=
6=-3-y y=-9
Vay diém can tim 1a P(6;-9).

Vi du 7: Cho ba diém A(-4;0),B(0;3) va C(21)

a) Xac dinh toa do vecto 2: = ZE - E

b) Tim diém M sao cho MA + 2MB + 3MC = 0
Loi giii:

a) Taco AB(4:3), AC(6;1) suyra u = (25)

b) Goi M(x;y),tacé M—A(—él—x;—y), ﬁ(—x;iﬁ—y), M—C’(2 —x;l—y)

Suyra MA+2MB +3MC = (—6z +2;-6y +9)

- (-6z+2=0 |T=
Do &6 MA +2MB + 3MC =0 = PN
—6y+9=0

N W |~

y:

13
Vay M| —;—
i (3 2j

Vi du 8: Cho tam gidc ABC c6 A(2;1), B(-1;-2), C(-3;2).
a) Tim toa do trung diém M sao cho C 13 trung diém ctia doan MB
b) Xac dinh trong tdm tam giac ABC

b) Tim diém D sao cho ABCD 14 hinh binh hanh

Loi gidi:
. L2 , .’L’M+$B
a) C la trung di€ém cua MB suy ra z, = 5 =z, =21, -T, =5
. Yu T Y
Vayc=—M2 L=y, =2y, -y, =6
Vay M (-5:6)
b) G la trong tam tam giac suy ra
7, = Ty + T+ T 2-1-3 :—gvé v, = Yo+t ¥ Yo _ 1-2+2 :1
3 3 2 3 3

12



2 1
Vay G| -%,=
w631

¢) Goi D(z;y) = DC = (-3 — ;2 — )

Ta c6: ABCD 1a hinh binh hanh suy ra

_— = -3-z=-3 z=0
ABzDC@{ <:>{ = D(0;5).

2-y=-3 y=9
Vay D(0;5)

Vi du 9: Trong mit phang toa d6 Oxy, cho A(-2; 3) ; B(4; 5); C(2; -3)
a. Ching minh ba diém A, B, C khong thang hang.
b. Tim toa dd trong tdm G cua tam giac ABC.
c. Giai tam giac ABC (1am tron cac két qua dén hang don vi).
Loi gidi:
a.Ta co: AB= (6;2), BC = (—2;-8)
Vi % # ig = AB, BC khéng cing phuong.
Viay ba diém A, B, C khong thang hang.
b. Vi G Ia trong tam cia tam gidc ABC nén :
—2+4+2 3+5-3
373
c. Giai tam giac ABC (1am tron cac két qua dén hang don vi).

Vay G(

4.5
)=6(G353)

Ta co:

AB=(6;2)= AB=+/6"+2? =210=6
BC =(-2;-8) = BC =+/(=2)* +(-8)* =2:/17 =8
AC = (4;-6) = AC =4 +(=6)’ =24/13=7
BA = (-6;-2), BC = (-2;-8)

BABC 28

BABC 2102417

~0,54= ABC = 58"

cos ABC = cos(ﬂ, %) =

Tuong tw: BAC = 75°
ACB =180° —(ABC + BAC) = 47°

Vi du 10: Trong mit phang toa d6 Ozy cho A ( 3;—1 ), B ( -1;2 ) va [ ( 1; —1) . Xéc dinh toa do

cac diém C, D sao cho tir giac ABCD 1a hinh binh hanh biét I 14 trong tdm tam gidc ABC . Tim
toa tam O cua hinh binh hanh ABCD .

N e

Loi gidi:

Villa trong tdm tam gidc ABC nén

13



ZL’A-l-.I'B-l-.I'C

3:]:#:%:3361—%—%:1
Yy T Yp Y
e T Tl T

suy ra C(l;—4)
T gidc ABCD 1a hinh binh hanh suy ra

-1-3=1-z, @{%:5

= D(5;-7
2+1=-4-y, y, =7 (5:=7)

E:D—c@{

Diém O cua hinh binh hanh ABCD suy ra O 1a trung diém AC do d6

+ +
$0=$A2x0227y0:yA2y0:_230[2;_2J

Vidull: Cho tam giac ABC c6 A( 3; 1), B ( 1;-3 ) , dinh C nam trén Oy va trong tim G nim

trén truc Oz . Tim toa do dinh C

Loi gidi:
Tir gid thiét ta c6 C(0;y ), G(;0)
) T, +z, +z, =31, x:é
G la trong tam tam gidc nén = 3
Ya T Y + Yo = 3Yq y =2

Vay C(0;2)
Vi du 12: Cho tam giac ABC ¢6 M, N, P lan luot Ia trung diém cua BC, CA, AB. Biét
M(1;1),N(-2;-3), P(2;—1). Tim toa d cac dinh cta tam gidc ABC'.

Loi gidi:
Taco MN(-3;—4), PA(z, -2y, +1), MN = PA = A(-1,-5)
N 1a trung diém AC suy ra C(-3;-1)
M la trung diém BC suy ra B ( 5; 3)
Vi du 13: Trong mit phang toa do Ozy, cho ba diém A(6;3), B(-3;6), C(1;-2).
a) Chtirng minh A, B, C 1a ba dinh mot tam giac. Tim chu vi va dién tich tam giac ABC
b) Xac dinh diém D trén truc hoanh sao cho ba diém A, B, D th'fmg hang.
¢) Xac dinh diém E trén canh BC sao cho BE = 2EC
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d) Xac dinh giao diém hai duong thang DE va AC
Loi gidi:
- o A =9 3 s A LA .
a) Ta co AB(—9;3), AC(—5;—5). \/1—5 # = suyra ABva AC khong cung phuong

Hay A, B, C 1a ba dinh mdt tam giac.

AB = (97 + 3% = 3410

AC = J(=5) + (-5)? = 52

BC =J(1+37%+(-2-6) =45

Chu vi ciia tam gidc ABC 1a 3v10 + 5v2 + 4+/5

3\/1_O+5\/§+4x/3

2

Tacod: p =

Dién tich cua tam gidc ABC la

S =\ p(p - 3310)(p — 5V2)(p — 4v/5) = 30 (Pon vi dién tich)

b) D trén truc hoanh = D ( x; O)

Ba diém A, B, D thing hang suy ra AB va AD khong cung phuong

x_6=_—3:>x:15
-9 3

Mat khac E(m—&—iﬂ) do do
Vay D(15;0)

¢) Vi E thuéc doan BC va BE = 2EC suy ra BE = 2EC

Goi E(a:,y) khi d6 ﬁ(er 3y —6), E—C(l—w;—Q—y)

d) Goi I(;y) la giao diém cua DE va AC.
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Do d6 DI (x —15;y),ﬁ[ 46

——;— | cung phuong suy ra
3 3j g phuong suy
3(z-15) 3y

46 2

=>z+23y-15=0()

E(:L’—G;y—?)), R(—E);—E)) cung phuong suy ra

r—-6 y-3

-5 -5
X . 7
Te(l)va(2)suyraz =—vay =

>z-y-3=0(2)
2

Vay giao diém hai dudng thang DE va AC 1a 1(

r1
272
Vi du 14 : Trén mit phang toa d6 Oxy, cho A4(L;1), B(2;-2), M € Oy va MA=MB. Khi d6
toa do diém M 1a

Loi giai
Do M €Oy, dat M (0;y) suyra MA=(L;1-y), MB=(2;-2-y).
Vi MA=MB = 1> +(1-y) =2 +(2+y) & y=-1. Vay M(0;-1).
Tim toa d¢ chan duong phan gidc trong ké tr 4 cua tam giac 4ABC.

Vi du 15: Trong mit phing toa do Oxy. Cho tam gidc ABC véi A(—4;0), B(6;5), C(2;-3).

Loi giai

Taco 4B =(10;5)= AB =10’ +5 =5.5.
AC =(6;-3)= AC = /6" +(-3)* =345.
Goi I(x;y) chan duong phan gidc trong ké tir 4 cua tam giac ABC.

IB AB
Ta co —:—=§.

Suy ra E=—§]?.( Do d6 I 1a nam giira B va C)
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Vi dy 16: Tim toa do tm dudng tron di qua 3 diem 4(0;4),B(2;4),C(4;0).
Loi giai
Goi I(a;b) dé I latam duong tron di qua ba diem A4(0;4), B(2;4),C(4;0) thi

A=1B |a*+(4-b) =(2-a) +(4-b)" (a=1

IA=]C<:> 2 2 _ 2 42 < b=1
a’+(4-b) =(4-a) +b

Vay tam 7 (1;1)

2. Bai tap tric nghiém

Cau 1: Trong mit phing Oxy, cho K =(2;-5). Vecto OK biéu dién theo hai vecto don vi
A. OK=5/-2j. B.OK=2i-5j. C.OK=-3i+5j. D.OK=-5].

Céu 2: Trong mit phing Oxy, cho OM =5i —3;. Toa d ciia diém M 1a

A. M =(5,-3). B. M = (=5, -3). C. M =(5;3). D. M =(0;-3).
Cau 3: Trong mit phing Oxy, cho ON =7 +3. Toa d6 cta diém A la

A. N =(0;3). B. N =(1;3). C. N=(3;1). D. N=(0;-3).

Céu 4:Trong mit phang toa d6 Oxy . Cho diém M (x,' y) . Tim toa d6 cua cac diém M, dbi

xung vo1 M qua tryc hoanh?
AM, (x;-y). B.M, (-x;y). C.M,(-x;-y). D.M, (x:y).
Loi giai
Chon A.
M, d6i xtmg véi M qua truc hoanh suy ra M, (x;,—).

Ciu 5: Trong hé truc toa dd Oxy, cho hinh vuong ABCD tam Iva c6 A(1;3). Biét diém B
thudc truc Ox va BC cung hudng véi i . Tim toa dd cac vecto AC ?
A.(-3:3). B.(3:3). C.(3:-3). D.(3,0).
Loi giai
Chon C. v
Tur gia thiét ta xac dinh dugc hinh vudng trén mat

phang toa 6 Oxy nhu hinh v& bén. 0

Vidiém A(1;3) suyra AB=3, OB =1

Do d6 B(1;0), C(4,0), D(4;3)
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Vay AC =(3;-3).

Céu 6: Trong mit phang toa dd Oxy . Cho hinh thoi 4BCD canh a va BAD = 60°. Biét 4
tring voi gbe toa do O; C thudc truc Ox va x;20,y,20. Tim toa d¢ cac dinh B va C cua
hinh thoi ABCD.

a\/g a ax/g a
A.B T,E ,C(a\/g,()). B.B T,—EJ,C(Q\/g,O).
C.B &;3 ,C(a\/i,-ﬁj. D.B &
2 2 2 2
Loi giai
Chon A.

Tur gia thiét ta xéc dinh duoc hinh thoi trén mat phéng toa do

Oxy

Goi I 1a tam hinh thoi ta c6 BI = ABsin BAI = a sin30° = %

2

Al =~ AB* - BI* =, |d* _"T _4a

3
2
Suyra A4(0;0), B[%%] c(aﬁ,-o), D[& _2]_

22

Cédu 7: Cho luc giac déu ABCDEF . Chon hé truc toa do (O; ;; ; ), trong d6 O 1a tam luc giac

déu i cing huéng voi OD, j cimg huéng EC . Tinh toa do céc dinh luc gisc déu , biét canh
cua luc giac 1a 6 .

Loi gidi:

A(-6,0), D(6;0), B(-3;3V3),
0(3;3\/5),F(—3;—3x/§),E(3;—3x/§)

Cau 8: Trong mit phing Oxy, cho OC =-37 +2. Toa d6 cta diém C la

A. C=(0;2). B. C=(-3;0). C. C=(-3:2).D. C=(3;-2).

Cau 9: Trong mit phang Oxy, cho M =(-3;1). Vecto OM biéu dién theo hai vecto don vi
A. OM =-3i+2j. B.OM =3i +]. COM=-3i+j. D.OM=-i+3].
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Cau 10: Trong mit phang Oxy, cho P = (3;5). Vecto OP biéu dién theo hai vecto don vi

A. OP=5i+3j. B.OP=3i+5). C.OP=-3i+5j. D.O0P=3].
Cau 11: Trong mit phang Oxy hai diém A(—4; 0 ) ,B ( -5;6 ) .Toadd AB la
A. (1;6). B. (-9;6). C L6, D.(-50).

Cau 1.2Cho hai diém 2(50) va B(%72) oo o déi cita vecto 4B c6 toa d6 1a:
A (B2) g, (7L-2). o 2] p. (5-2),

Céu 13: Trong mit phing Oxy, Cho 4(=2:3):B(0:=1) gy g6
W BA=(42) - o Bi=(2-4) b, BA=(-2-4)
Céu 14: Trong mdt phing Oxy hai diém M (2;-1),N (4;5). Tim do dai cia MN la

A. 10, B. 2./10. c. V2. D.s.

Cau 15: Cho cac diém A(1;—2), B(-2;3),C(0;4). Dién tich AABC bang

. B 13. C. 26. D.%.

Céau 16: Cho cac diém A(—1;-2),B(4;3),C(0;1). Dién tich AABC bang

13
B.7 C. 26. D. —.
I 4

Ciu 17: Cho céac diém A(4;—2), B(2;—3),C(0;1). Dién tich AABC bang

B.7 C. 4 DE
. 4. i

Céu 18: Cho ba diém A(—4;0),B(-5;0) va C(3;-3)

a) Tim toa d§ vecto ;L = A—é - 2?0 + 35;1

A. u(-3:3) B. u(-8;3) C. u(-383) D. u(-3833)

b) Tim diém M sao cho MA + MB + MC = 0
A. M(-21) B. M (2;-1) C. M(21) D. M(-2-1)
Loi gidi:
a) u(-383) b) M (-2-1)
Cau 19: Cho ba diém A(3;4), B(2;1), C(-1;-2)
a) Tim toa do trung diém canh BC va toa do trong tdm cua tam giac ABC'
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A. T l;—l B. G é;1
2 2 3

C.Ca A, B déu ding D. Ca A, B déu sai
b) Tim toa d6 diém D sao cho ABCD 14 hinh binh hanh
A. D(5;1) B. D(0;1) C. D(3;1) D. D(2;1)
Loi gidi:

a) Trung diém BC la I(%;—%j, trong tdm cua tam giac ABC 1a G(%;l]

S — 0
b) Tt gidc ABCD 1a hinh binh hanh < AB = DC < { = D(0;1)

y:

Cau 20: Trong mat ph'fmg toa d6 Oxy cho A ( 3;4 ), B ( -1;2 ), 1 ( 4; 1) . Xac dinh toa do cac

diém C, D sao cho tur giac ABCD 1a hinh binh hanh va I 1a trung diém canh CD. Tim toa tim O
cua hinh binh hanh ABCD.

A. C(2-2), D(3;0), 0(%;2] B. C(1;,-2), D(-6:1), O(3;2)

Loi gidi:
Do I (4;—1) 1a trung diém ctia CD nén dat
0(4 —-x;—1— y), D(4 +x;—-1+ y) = C’—D(Qx;Qy)

T =2

Tar gidge ABCD 14 hinh binh hanh < CD = BA < { |
y =

5 . : 9.
Vay C(2; 2),D(6,0),0(2,2j

Céu 21: Cho tam gidc ABC c6 A(3;4), B(-1;2), C(4;1). A'ladiém déi xtmg cua A qua B,
B' 1a diém ddi xtmg ctia B qua C, C' 1a diém d6i xtng ciia C qua A.
a) Tim toa dd cac diém A', B, C'

A. A'(-5;0) B. B'(9;0)

C.C'(27) D.Ca A, B, C déu dung

b) Chiing minh céc tam giac ABC va A'B'C'' ¢6 cung trong tam.
20



Loi gidi:
a) A'la diém ddi xing ciia A qua B suy ra B 1a trung diém ctia AA' do d6 A" ( -5;0 ) Tuong tu
B'(9:0), C'(27)

b) Trong tdm cua tam giac ABC va A'B'C" c¢6 cung toa do 1a (2;%)

Cau 22: Trong mit phing toa d6 Ozy cho 4 diém A(l;—2), B(O;3), C(—3;4) va D(—1;8) .
a) Bo ba trong 4 diém trén bo nio thang hang
A. A, B, D thiang hang B. A, B,C thang hang
C. A, C, D thang hang D. C, B, D thang hang
b) Chuing minh E? va R khong cung phuong
c¢) Phéan tich CTj qua E va R

A. CD =2AB - 2AC B. CD =248 - AC
C. CD = 3AB - AC D.CT):QE—%AC
Loi gidi:
a) A, B, D thiang hang
5 A e T e .
b) AB(—1;5), AC(—4;6).V1—4 # G = AB va AC khong cung phuong

:@:QE—A—C

— — — — —r—4y =2 T =2
¢) CD(2;4). CD = zAB + yAC <

-
oxr + 6y =4 y=-1

Cau 23 Trong mit phing toa 46 Ozy cho 4 diém A(O;l), B(1;3), 0(2;7) va D(0;3). Tim
giao diém cta 2 dudng thing AC va BD

A. —2;3 B. 1 l;—3 C.1I é;13 D. I 2;3
3 3 3 3

N e

Loi gidi:
Goi I(a;; y) 1a giao diém AC va BD suy ra Al ; AC cung phuong va E; BD cung phuong
Mat khac

AL = (z:y-1), AC = (2;6) suyrag=%c> 61 — 2y = -2 (1)
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— — . 2

BI = (x -1,y —3), BD = (-1;0) suyra y = 3 thé¢ vao (1) tacod = = 3
A 2 \ < R A \

Vay 1 (5;3] la diém cén tim.

Cau 20: Cho tam gidc ABC c6 A(3;4), B(2;1), C(~1;-2). Tim diém M trén dudng thang BC

saocho §,,. =35,
A. M (1;2), M, (42) B. M, (-1;2), M,(-3;-2)
C. M, (12), M,(3-2) D. M (10), M,(3:2)

N e

Loi gidi:

Taco S,,. = 39,,, < BC =3BM = BC = +3BM

Goi M(a;;y) = m(a; -2y —1); B—C(—B;—?))

Suy ra {—3 =3(z-2) - {x =1 i {—3 = -3(z-2) - {x =3
-3 =3(y-1) =0 -3=-3(y-1)  |y=2

Vay c6 hai diém thoa man M, (1;0), M, (3;2)

Cau 21: Cho badiém A(-1;-1), B(0;1), C(3;0)

a) Chung minh ba diém A, B, C tao thanh mot tam giac.

b) Xéc dinh toa do diém D biét D thudc doan thang BC va 2BD = 5DC .

A p[3.2 B.po[-15,_2) ¢ p[BL p. p| 22
T T 7 T T

¢) Xéc dinh toa d6 giao diém ciia AD va BG trong d6 G 1a trong tdm tam giac ABC .

A I 20 B. 1|1 c.11229 . 1|32
9 9 9 9

Loi gidi:
. o A 12 T .
a) Taco AB(1;2), A(J(4;1). Vi n # T = AB va AC khong cung phuong

b) Tacd 2BD = 5DC, BD(x,;y, —1),DC (3 - 2,5y, )
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¢) Ta co G(%;Oj. Goi I(;y) 1a giao diém cua AD va BG.

Do do E(m + Ly + 1),@(%,%] cung phuong suy ra

7(“1)=7<y+1):9x—22y—13:0
22 9

E(m;y —1),@(—%;0) cling phuong suy ra ton tai  : BI = kBG = y=1

Tuwdo 1 35 ;1

9
Céau 22: Tim trén truc hoanh diém P sao cho téng khoang cach tir P tdi hai diém A va B 1a nho
nhat, biét:

a) A(1L;1) va B(2;—4)
A. P(g;oj B. P(2;0) C. P(—g;oj D. P(10)

b) A(L2) va B(3;4)

A. P §;0 B. P —E;O C. P §;0 D. P l;O
3 3 2 3

Loi gidi:
a) D& thiy diém A, B nam & hai phia véi truc hoanh

Tacoé PA+ PB > AB.Dau bang xay ra < AP cung phuong véi AB

-1 _
Suyraxp _ Y 1:>1:P:§:>P§;O
2-1 -4 -1 ) 5)

b) D& thdy A, B cling phia véi truc hoanh. Goi A' 14 diém dbi xtmg véi A qua truc hoanh, suy ra
A'(1;-2) va PA = PA'

Tacd PA+ PB = PA'+ PB > A'B. Ddu bang xay ra <> A'P cung phuong véi A'B

Suy ra xP_1—0+2:>x :ESP(g;Oj

3-1 442 P 3
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Céu 23: Cho hinh binh hanh ABCD ¢6 A(-2;3) vatam I(L1). Biétdiém K (-1;2) ndm
trén duong thang AB va diém D c6 hoanh do gip doi tung do. Tim céc dinh con lai ctia hinh binh
hanh.

A. D(2;1) B. B(0;1)

C. C(4-1) D. Ca A, B, C déu diing
I1a trung diém AC nén C'(4;-1)
Goi D(2a;a) = B(2-2a;2-a)

AK (1;-1), AB(4-2a;-1-a)

Vi E, AB cung phuong nén 4—12a = “l-a =>a=1= D(2;1), B(O;l)

Cau 24: Trong mat phéng toa d0 Oxy, cho hai diém A(—4; O) va B (0; 3) . Xac dinh toa d0 cua

vecto u =24B.
A.u=(-8 -6). B. u=(8; 6). C.u=(-4 -3).  D.u=(423).

Loi giai
Chon B.
AB=(4;3)=u=24B=(8; 6).

Cau 25: Trong mit phang toa o Oxy, cho A(3;—1), B(-1;2) va I(1;—1). Tim toa d¢ diém C
dé I 1a trong tAm tam gidc ABC .

A. C(l;—4). B. C(I;O). C. C(1;4). D. C(9;—4).
Loi giai
Chon A.
¥, = X, +x5+ X,
Diém I 14 trong tdm tam gidc ABC < 3
_Yat Vst )e
Yi —f

=3x,—x,— =3-3-(-1)=1
C}{xc X=Xy~ Xp o e ( ) .
Ye=3y=Y,=Vs  (ve=-3-(-1)-2=-4

Vay diém C(l;—4) .
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Cau 26: Cho tam gidc ABC véi A(-2;3), B(4;-1), trong tim cta tam gidc 1a G(2;—1). Toa
d6 dinh C la

A. (6;-4). B. (6;-3). C. (4-5). D. (2;1).
Loi giai
Chon C.
X, = X+ X5+ X,
Do G latrong tdm tam gidc ABC nén 3
_YatYptlc
TN

X.=3x.—Xx,—X X. =
@{ C G A B @{ C )
Ye=3V6=YVi— Vs Ye=-5

Vay C(4;-5).

Cau 27: Trong mat phéng voi hé toa do Oxy cho cac diém A(1;2) , B(3;—1), C(O;l). Toa do
cla vécto u =248+ BC 1a
A u=(2;2). B. u=(-41). C.u=(1;-4). D. u=(-14).

Loi giai
Chon C.
Tacé AB=(2;-3)=24B=(4-6), BC =(-3;2).
Nén u=24B+BC =(1;-4).

Cau 28: Trong mit phing toa d0 Oxy cho hinh binh hanh ABCD c6 A(-2;3), B(0;4),
C(5;—4). Toa d¢ dinh D la:

A. (3;-5). B. (7). C. (3+2). D. (V7;2).
Loi gidi
Chon A.
. . . S — X, +2=5-0 x,=3
ABCD 1a hinh binh hanh = 4D = BC < = = D(3;-5)
yp=3=—4-4 |y, =-5
Cau29: Cho 4(0;3), B(4;2).Piém D théa OD+2DA-2DB=0,toadd D la
A. (-3;3). B. (-82). C. (8-2). D. (2%}

Loi giai
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Chon C.

Goi D(x;y).

OD+2DA-2DB =0 < OD=24B

Ma AB=(4;-1)=24B=(8;-2) = 0D =(8;-2).
Vay D(8;-2).

Cau 30: Trong mit phang Oxy, cho 4(-1;2), B(1;-3). Goi D dbi xtmg véi 4 qua B.Khi d6

toa do diém D la

A. D(3,—8). B. D(—3;8). C. D(—1;4). D. D(3;—4).
Loi giai
Chon A.
. \ D
Vi D doi xtimg véi A qua B nén B la trung diém cua AD . /B//
X, =2Xx,—Xx x,=3 A4
Suyra: { oo :>{ P = D(3;-8).
Yo =2y =V, Vp=—8

Cau 31: Trong mit phing toa dd Oxy, cho AABC véi trong tim G . Biét ring A(—l;4),
B(2;5), G(0;7). Héi toa dd dinh C 1a cdp s6 nao?
A. (212). B. (-1;12). C. (3;1). D. (;12).
Loi giai
Chon B.

Vi G latrong tam AABC nén {

3x; =X, + x5+ X j{xc =3x;—x;—x,=-1

3V6=YatYptyc yC:3yG_yB_yA=12.
Vay C(-112).

Cau 32: Trong mit phang toa dd Oxy, cho M(l;—l), N(3;2), P(O;—S) lan luot 13 trung diém
cac canh BC, CA va AB cuatam giac ABC. Toa do diém A4 la

A. (2-2). B. (51). C. (V5:0). D. (2:42).
Loi gidi

Chon A.
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B M C

Theo dé ta c6: Tir gidc APMN 13 hinh binh hanh
— NA=MP =(x,-3%y,-2)=(-1;-4) 3{

Vay A4(2;-2).

Cau 33: Trong mit phing toa dd Oxy, cho ba diém A(1;3), B(-L-2), C(L;5). Toa do D
trén truc Ox sao cho ABCD la hinh thang c6 hai day AB va CD la

A. (1,0). B. (0;-1). C. (-10). D. Khong ton tai
diém D.

Loi giai
Chon C.

D(x;0) € Ox. ﬂ-}:(—2;—5), @:(x—l;—S).

Theo dé ta c6: ABCD 1a hinh thang c6 hai day 1a 4B, CD nén: AB va CD cung
phuong.

Suy ra: x_—21:—_5 = x=-1.Vay D(-1,0).

Cau 34: Trong mat phéng toa do Oxy, cho B(Z; 3) , C(—l; —2) .Piém M thoa man
2MB+3MC =0 . Toa do diém M 1a

Loi giai
Chon A.

W=(2—x;3—y)

o = 2MB+3MC = (-5x+1;-5y).
MC=(-1-x;-2-y)

Goi M (x;y) :>{

1
Khi d6 2MB+3MC =0 < * & x S.VéyM[l;Oj.
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Cau 35: Trong mat phéng Oxy , cho A(2;4) va B(4;—1). Khi do, toa do cua AB 1a
A. AB=(-2;5).B. AB=(6;3).C. AB=(2;5). D. AB=(2;-5).

Loi giai

Chon D.

Taco Ez(xg—xA;yB—yA):(%—S)

3

27 2
P(O;%) lan luot 13 trung diém cac canh BC, CA, AB. Toa do trong tim G cua tam giac
ABC la

Cau 36: Trong mit phang toa d6 Oxy, cho tam gidc ABC co M(—%;—l), N(—z'—zj,

A. G(—i;—ij. B. G(—4;,—4). C. G[i;ij. D. G(4;,4).
373 373
Loi giai
Chon A.
N C
A
M

B

Vi G latrong tdm tam giac ABC nén G ciing 1a trong tam tam gidc MNP .

Vit 7
Toa d6 diém G 1a 3 o 3
_Yu It Yp __*

Ve 3 Vs 3

Cau 37: Trong mit phang toa do Oxy. Cho tam gisc ABC véi A(1;-2), B(3;-4), C(5;2).

Tim toa do giao diém I cua dudng thing BC v&i dudng phan giac ngoai ciia goc 4.
A. 1(%;—2). B. I(4-1). C. I(1;-10). D. 1(?;0].

Loi giai

Chon C.
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Cau 38:

Ta co o ac 3 uy ra I_B:%f?:ﬁ?.Dodé B 14 trung diém cua IC .

Vay I(1;-10).
Vi =2y, =y =-10 ( )

Trong hé toa do Oxy, cho hai diém A(2; —3) , B (3;—4) . Tim toa do diém M trén truc

hoanh sao cho chu vi tam giac AMB nho nhat.

Cau 39:

nhit.

A. M(g;o). B. M (4;0). C. M (3;0). D. M(%;Oj.

Loi gidi
Chon D.

Cach 1: Do M trén truc hoanh = M (x;0), E:(l;—l) = AB=4/2.

A_]\/Y:(x—2;3), B_]\Z:(x—3;4)

Ta c6 chu vi tam giac AMB: P, = x/§+\/(x—2)2 +3° +\/(X—3)2 +47

V24 (x=2) +3 4 (3=x) +4 242+ \(x-2+3-x) +(3+4)’

<Py 26x/§.Déub5ngxéyrakhi x_2:%<:>x=1—7:>M(%;0j-

3—x 7

Cach 2: Lay d6i xtmg 4 qua Ox ta duge 4'(2;3). Taco
MA+MB=MA"+MB>A'B.

Dau bang xay ra khi M trung véi giao diém ciua A'B vé6i Ox .

Cho M(—l;—2), N(3;2), P(4;—1). Tim £ trén Ox sao cho ‘W+ﬁ+ﬁ nho

A. E(40). B. E(3;0). C. E(1;0). D. E£(2;0).
Loi giai

Chon D.

Do EeOx = E(a;0).
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Ta co: Wz(—l—a;—Z); E]V:(3—a;2); Eﬁ:(4—a;—1)

Suyra EM +EN + EP =(6-3a;-1).

Do d6: |EM +EN + EP|=/(6-3a) +(~1)° =/(6-3a) +121.
Gi4 tri nho nhét cua ‘m+ﬁ\7+ﬁ’ bang 1.

Dau “=" xay ra khi va chi khi 6-3a=0 < a=2.

Vay E(2;0).

Cau 40: Trong mit phang toa dd Oxy, toa do diém N trén canh BC cua tam giac ABC co
A(1;-2), B(2;3), C(-1;-2) sao cho S, =35, 1a

A. (l,zj B. (—l;—gj.
4 4 4 4

Chon B.
Goi H 1a chan duong cao ké tir A cua tam giac ABC.

Theo détaco: S,y =35,y < %AH.BN = %AH.CN & BN =3CN

& BN =-3CN < BN =-3(BN - BC) < 4BN =3BC (*).

Taco ﬁ\’z(xN—2;yN—3); R:(—&—S). B H N C

1

e A =2)=3(3) YT T 1.3
Do do ( )@{4()}]\1_3):3(_5)@ , :_;.Vay N(—Z,—Zj.
Mg

Cau4l: Trén mat phéng toa do Oxy, cho AABC vudng tai 4 co B(l;—3) va C(I;Z). Tim toa
d6 diém H 1a chan duong cao ké tir dinh 4 ctia AABC, biét AB=3, AC=4.

A. H[1;2—4]. B. H(l;—éj. C. H(l;—%j. D. H(l;éj.
5 5 5 5

Loi giai

Chon B.
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B - C
H
2
Taco AB® = BH.BC vi AC? = CH.CB.Dodé: < = ACZ 10 o0 mp.
BH AB> 9 9

Ma HC,HB nguoc huéng nén HC = —?ﬁ .

Khi d6, goi H (x;y) thi FCz(l—x;Z—y), ﬁ:(l—x;%—y).

l—x:—E(l—x) x=1 6
Suy ra: ?6 <9 6<:>H(1;—gj.
2—y=—3(—3—y) Y775

Cau 42: Trong mit phang Oxy, cho tam giac MNP c6 M(l; —1), N(S; —3) va P 1a diém
thudc truc Oy, trong tam G cua tam giac MNP nam trén truc Ox . Toa 0 diém P 1a
A. (2; 4). B. (0; 4). C. (0; 2). D. (2; 0).

Loi giai
Chon B.

PeOy:>P(0; y).

GeOx=G(x; 0).

1+5+0
= 3 x=2
Piém G la trong tAm ciia tam giac MNP < = .
0=(—1)+(—3)+y y=4
3

Cau 43: Trong hé truc toa dd Oxy, cho tam gidc ABC c6 A(1;3), B(-1;—-1), C(1;1). Puong
tron ngoai tiép tam giac ABC c6 tam I(a;b) .Giatri a+b bﬁng
A. 1. B. 0. C.2. D. 3.
Loi giai
Chon A.

Ta co: j;lz(a—l;b—3): IA* =a*+b*-2a—-6b+10.
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fﬁz(a+hb+1}:]B2=a2+b2+2a+2b+2.
IC=(a-Lb-1)= A =d’ +b*-2a-2b+2.

Vi I 1a tam duong tron ngoai tiép tam giac ABC nén:

IA=1IB 14> = IB® a+2b=2 a=-2
= = = .
IC=1IB IC? = IB? a+b=0 b=2

Vay a+b=1.

Cau 44: Trong hé toa do Oxy,cho tam gidc 4BC co A(3;5), B(l;2), C(S;2). Tim toa do trong

tdm G cua tam gidc ABC?

A. G(-3;-3). B. G(%%} C. G(99). D.
G(3:3).
Loi giai

Chon D.

X, = 3 +;+5 _3

Tacod —G(3,3).
542+2
Yo = 3 =3

Cau 45: Trong hé toa d6 Oxy,cho tam giac ABC c6 A(—2;2), B(3,‘5) va trong tam 1a gbc toa
do 0(0,0). Tim toa do dinh C?

A. C(-1;-7). B. C(2;-2). C. C(-3;-5). D.
C(1,7).
Loi giai
Chon A.
Goi C(x;7).
243*x

2+5+y =-7
3

=-1
Vi O la trong tdm tam giac ABC nén 3 = {x .
y
=0

Cau 46:  Cho M(2;0),N(2;2),P(-13) lan luot la trung diém cac canh BC,CA,AB cua
AABC . Toado B la:
A. (L1). B. (-1-1). C. (-L1). D. (;-1).
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Loi giai
Chon C

Ta c6: BPNM la hinh binh hanh nén
{xBerN =X, +x, {x8+2:2+(—1) {xB =-1
= = .
Yt Yy =YptVy y3+2:0+3 yB:1

Cau 47: Trong mit phang toa dd Oxy, cho tam gidc MNP c6 M(l;—l),N(S;—3) va P thudc

truc Oy , trong tAm G clia tam giac ndm trén truc Ox .Toa d6 cta diém P 1a

A. (0;4). B. (2;0). C. (2:4). D. (0;2).
Loi giai

Chon A.

Ta co: P thudc truc Oy = P(O;y), G nam trén truc Ox = G(x;O)

1+5+0
X =

=2
G la trong tam tam gidac MNP nén ta co: 3 = {x
0D+ +y  y=4

3
Vay P(0;4).

Cau 48: :Cho tam gidc ABCv6i AB=5 vaAC =1. Tinh toa d¢ diém D1a cta chan dudng
phan giac

trong goc A, biét B(7,-2),C(1;4).

A. (—%%j B. (2:3). C. (2;0). D. (Lzl%j

Loi giai

Chon B.
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Theo tinh chat duong phan giac: g_f‘ = j—i =5= DB=5DC = DB =-5DC.

Goi D(x;y)= DB=(7-x~2-y):DC = (1-x:4-y).
7—x:—5(1—x) {x=2
Suy ra: = )
—2—y=—5(4—y) y=3
Vay D(2;3).

Cau 49: Trong mat phéng toa do Oxy cho A(3;—1), B(—L'Z) va I(l;—l) . Xac dinh toa d0 cac

diém C, D sao cho ttr giac ABCD 1 hinh binh hanh biét / 14 trong tdm tam giac ABC . Tim
toa tam O cua hinh binh hanh ABCD.

A.O(3;—Zj B.O(Z;—EJ C.O(—Z;—zj D.O(Z;éj
2 2 2 2

Loi giai
Chon B.
ViIlatrong tdm tam giac ABC nén

_ Xt Xp X
3

X, = xXe=3x,—x,—x,=1

:yA+yB+yC -

5 Ye=3y, -y, —yzs=—4%

1

Suy ra C(l; —4)

Tu giac ABCD 1a hinh binh hanh suy ra

—_— -1-3=1-x, X, =5
AB=DC & < = D(5;,-7)
241=-4-y, vy ==7

Diém O ctia hinh binh hanh ABCD suy ra O 1a trung diém AC do d6

X, +Xx + 5 5
=St y, 2 S 023

Cau 50: :Trong mit phing Oxy, cho cac diém A(1;3),B(4;0). Toa d6 diém M thoa
3AM +AB=01a A. M(40). B.M(53). C.M(0;4). D.M(0;-4).

Loi giai
Chon C.

. 3 -1 4-1)=0 =
Tacod: 3AM + AB=0< (XM )+( ) <:>{XM 0:>M(0;4).
3(yy, =3)+(0-3)=0 |y, =4
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Cau 51 Trong mat phéng Oxy, cho cac diém A(—3;3),B(1;4),C(2;—5). Toa d6 diém M thoa

man2MA — BC = 4CM 1a:

A. M(l,iJ B. M(—l;—zj. C. M(l;—éj. D.
6 6 6 6 6 6
M(é,—lj
6 6
Loi giai
Chon C.
Ta co:
L]
o [2(3=x,)-(2-1)=4(x, -2 s
2= BC = e 370270 =400 =2) [ T DM(l;_E)_
2(3=yy )—(-5-4)=4(y,, +5) 5 6 6

3. BAI TAP TU LUYEN

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Trong mit phang toa do Oxy . Cho diém M (2; —3) . Tim toa d6 cua cac diém M, dbi
xung voé1 M qua truc tung?
AM(-3:2). B.M (-2,3). C.M(-2,-3). D.M(2;3).

Trong h¢ truc toa do (0;}) , cho tam gidc déu ABC canh a,biét O la trung diém
BC, i cung huéng véi OC, } cung huéng OA . Tim toa do cua cac dinh cua tam

=)o o}l

Trong h¢ truc toa do (O;}) , cho tam gidc déu ABC canh a, biét O 1a trung diém

BC, i cung huéng véi OC, } cung huéng OA. Tim toa d6 tim dudng tron ngoai
tiép tam giac ABC'.
Loi giai

aﬁj

Tam dudng tron ngoai tiép tam giac déu trung véi trong tim G (OT

Trong hé truc toa dd (0,4, /), cho hinh thoi ABCD tam O ¢6 AC =8, BD=6. Biét
OC va i cung hudng, OB va } cung huéng. Tinh toa d§ trong tam tam gidc ABC
Loi gii
A(—4;0),C(4;0), B(0;3), D(0;—-3)= G(0;1).
Cho hinh binh hanh ABCD ¢6 AD =4 va chiéu cao ung voi canh AD =3,
BAD =60". Chon hé truc toa do (A;}) sao cho i va AD cung hudng, y, >0 . Tim
toa dd cac vecto AB, ﬁ, CD vaAC
Cho luc gidc déu ABCDEF . Chon h¢ truc toa do (0,2,}'), trong d6 O 1a tam lyc gidc
déu,i cung huéng véi OD, } cung huéng EC . Tinh toa d6 cac dinh luc giac déu ,
biét canh cua luc giac 14 6.
Loi gii
PS: A(—6;0), D(6;0), B(—3;3v3),
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C(3;3V3), F(-3,—3V3), E(3;,-3V3)
Cau7: Trong mit phéng Oxy, cho céc diém A(l;3),B(4;O). Toa d6 diém M thoa
3AM + AB=0 la

A. M(4;0). B. M (5;3). C. M(04). D. M (0;-4).
Céu 8: Trong hé toa dd Oxy, cho hai diém A(l;2), B(—2,‘3). Tim toa do diém I sao cho

14+ 2IB =0

A. I(1;2).B. 1(1,%).0 1(—1;%)_ D. 1(2;-2).

CAu9: Cho hai diém A(l;O) va B(O; —2).Toa d6 diém D sao cho AD =-3A4B la:
A. (4;,-6). B. (2;0). C. (0;4). D. (4;6).

Cau 10: Cho hai diém A(I;O) va B(O; —2) . Toa d6 trung diém cua doan théng AB la:

A. (l;—lj. B. [—1;1} C. (1;—2) D. (L-1).
2 2 2
Cau 11: Cho tam gidc ABC c6 trong tam la géc toa d0 O, hai dinh 4 va B c¢6 toa do la
A(-2;2); B(3;5). Toa d6 cua dinh C la:
A. (1,7). B. (-1;-7). C. (-3;-5). D. (2;-2).
Cau 12: Tam giac ABC ¢6 C(—2; —4), trong tam G(0;4), trung diém canh BCla M(Z;O).
Toado 4 va B la:
A. A(4;12),B(4;6). B. A(—4;—12),B(6;4).
C. A(-4;12),B(6;4). D. 4(4,-12),B(-6;4).
Cau 13: Trong hé toa do0 Oxy, cho tam giac ABC c6 C (—2,‘—4), trong tam G(O;4) va trung
diém canh BC la M (2;0). Tong hoanh do ctia diém 4 va B 1a
A. 2. B. 2. C. 4. D. 8.

Cau 14: Trong mit phang Oxy, cho B(S; —4),C(3;7). Toa do cua diém E ddi xtmg v6i C qua
B la
A. E(L;18). B. E(7;15). C. E(7;-1). D. E(7;-15).
Céu 15: Trong mit phang Oxy, cho A(2;4),B(—l;4), C(—S;l). Toa do diém D dé tir giac
ABCD 1a hinh binh hanh la:
A. D(-81). B. D(6;7). C. D(-2;1). D. D(81).
Céu 16: Trong mit phiang Oxy, goi B',B" va B™ lan luot la diém dbi xing cta B(—2;7)qua
truc Ox ,Oy va qua géc toa d0 O. Toa dd cua cac diém B',B" va B" la:

A. B'(=2;-7), B"(2:7) va B"(2;-7). B. B'(-7:2), B"(2,7) va B"(2:-7).
(=2-7), B"(2;7) va B"(2;-7) (=7:2), B"(2;7) va B"(2;-7)
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C. B'(-2;-7), B"(2;7) va B"(-7;-2). D.
B'(-2;-7), B"(7;2) va B"(2;-7).
Cau 17: Trong hé toa d¢ Oxy, cho hinh chit nhat ABCD c6 A(O,’3) , D(2;1) va I(—l;O) la
tam cuda hinh chir nhat. Tim toa dd trung diém cua canh BC.
A. (1;2).B. (=2;,-3).C. (-3;-2). D. (—4;-1).
4.DANG 4: Bai toan lién quan dén ba diém thing hang
Phwong phap.
e Chou= (x;y) u' = (x":y") . Vecto u’ cing phuong véi vecto ; (ﬁ #* 6) khi va chi khi
x'=hkx
y'=ky
ry

Chii y: Néu xy#0 tacod u' cung phuong ne =2
X oy

¢6 s0 k sao cho {

e Dé phan tich E(C1 ;¢,) qua hai vecto a= (a,:a,), b= (b,,b,) khong cung phuong, ta gia
, = - 7 . s A xi1a \ ax+by=c
su ¢ =xa+ yb.Khi do ta quy vé gidi hé phuong trinh
a,x+b,y=c,
A. Vi DU MINH HQOA
Vi du 1: Cho A(l;2),B(—2;6) . Piém M trén truc Oy sao cho ba diém 4, B, M thiang hang thi

toa do diém M la:
A. (0;10). B. (0:-10). c. (10;0). D. (~10;0).
Loi giai
Chon A.
Tac6: M trén truc Oy = M (0; )

Ba diém 4, B,M thang hang khi AB cung phuong voi AM
Tacod AB= (-3;4), AM = (-1;y-2). Do do, AB cung phuong véi

m@_—;:yT_z:y:m.vay M (0;10).

Vi du 3: Trong mit phiang Oxy, cho 4(m—1-1),B(2;2-2m),C(m+3;3). Tim gid tri m dé
A,B,C 1a ba diém thang hang?
A.m=2. B. m=0. C.m=3. D. m=1.
Loi giai
Chon B.
Tacé: AB=(3-m;3-2m), AC =(4;4)
Ba diém 4,B,C thing hang khi va chi khi AB cung phuong véi AC
3-m _3-2m

2 e m=0.
4 4
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Vi du 4: Trong mit phang toa dd Oxy, cho ba diém A(6;3), B(-3;6), C(1;-2). Xac dinh diém
D trén truc hoanh sao cho ba diém 4, B, D thrfmg hang.

A.E(5:-10). B.E(—%;%) C. E(-%-%} D. E(5:10).
Loi giai

Chon B.
Vi E thudc doan BC va BE =2EC suyra BE = 2EC

Goi E(x;y) khi d6 BE (x+3;y-6), EC(1-x;,-2~-)

. { x+3:2(1—x) = 3
Do do =
y—6=2(—2—y)

12
Vay E| ——;—|.
y £33

Vi du 5:Trong mit phing toa d6 Oxy cho 4 diém 4(0;1), B(1;3), C(2;7) va D(0;3). Tim
giao diém cua 2 duong thing AC va BD.

G G ek

Loi gidi
Chon A.

_2
Y73

Goi [ (x,' y) 1a giao diém AC va BD suyra Al 1 AC cung phuong va BI ; BD cung

phuong

Mait khac

Al =(x;y-1), AC=(2:6) suyra§=yT_1@6x—2y=—2 (1)

Bl =(x-1;y-3), BD=(-1;0) suyra y=3 thé vao (1) taco xz%
R 2 Vg A A

Vay [ (§3j la diém can tim.

5.DANG 5: Bai toan thue té
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Vidu 1:Su chuyén dong cua mot tau thuy dugc thé hién trén mot mat phéng toa d6 nhu sau: Tau
khoi hanh tir vi tri A(1;2) chuyén dong thang déu véi van tdc (tinh theo gid) dugc biéu thi boi
vecto v =(3;4). Xac dinh vi tri cla tau (trén mat phéng toa d0) tai thoi diém sau khi khoi hanh
1,5 gio.
Loi giai

Goi A’(x’; y’) 1a vi tri tau thuy dén sau khi khoi hanh 1,5 gio.
Khi do, ta co:

x'=1+1,5.3 x'=5,5
{y': 2+1,5.4<:> {y'z 8
Vay sau khi khéi hanh 1,5 gio thi tau thuy dén duoc vi tri A’(5,5;8).
Vi du 2:Trong Hinh 4.38, quan ma dang vi tri ¢6 toa do (1;2). Hé1 sau mot nudce di, quan ma cod

= A'(5,5;8)

thé dén nhitng vi tri nao?

Loi giai

Céch di chuyén cta quan ma la di theo hinh chit L, nén quan ma c6 thé di dén céc vi tri trong sau
trén ban co:

Toa @0 cua cac vi tri la: O(0;0), A(0;4), D(2:4), E(3;3), B(3;1), C(2;0).

39



B. BAI TAP TU LUYEN

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cho 4 diém A(l; —2),B(0;3),C(—3;4),D(—I;S) . Ba diém nao trong 4 diém da cho 1a

thang hang?

A. A4,B,C. B. B,C,D. C. 4,B,D. D. 4,C,D.
Loi giai

Chon C

Ta co: E(—Z;IO),E(—I;S) — AD =2A4B = 3 diém 4,B,D thing hang.

Trong mit phang toa dd Oxy, cho ba diém A(6;3), B(-3;6), C(1;-2). Xac dinh
diém E trén canh BC saocho BE =2EC.

A. E(—l sz E(—l —gjc. E(E;—lj D. E(—E;lJ
33 373 373 33

Trong mit phing toa dd Oxy, cho ba diém A(6,3), B(—% %j C(l,-2), D(15;0).

Xac dinh giao diém [ hai duong thang BD va AC .

A. zlljs zlljc L0 pogfZL

22 2’2 22 22
Cho ba diém A(—1;-1), B(0;1), C(3,;0). Xac dinh toa d6 diém D biét D thudc doan
thang BC va 2BD =5DC.

A (B2)n(15:2)c (28] b (152
77 77 77 77
Cho tam gidc ABC c6 A(3;4), B(2;1), C(-1;-2).Timdiém M trén dudng thing
BC saocho S ;- =35 ,;, -
A. M, (0:1), M, (3;2).B.M,(1;0), M, (3:2).
C. M(1,0), M,(2;3) . D. M, (0:1), M,(2,3).
Cho hinh binh hanh ABCD ¢6 A(—2;3) vatam I(1;1). Biét diém K (—1;2) nam
trén dudng thang AB va diém D c6 hoanh do gip d6i tung do. Tim cac dinh B,D cua
hinh binh hanh.
A. B(2:1), D(0,1).B.B(0:1); D(4;-1).
C. B(0:1); D(2:1),. D.B(2:1), D(4,-1).

C. HUONG DAN GIAI CAC CAU KHO CUA PHAN TU LUYEN

Ciu 26: Vi E thudc doan BC va BE = 2EC suyra BE = 2EC

Goi E(x;y) khi d6 BE(x+3,y-6), EC(1-x,-2-y)

—

, {x+3=2(1—x) Y
Do do =
y—6=2(—2—y)

N

y=§
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12
Vay E| ——,;—
iy £(-3:5 ]
Cau 27: Goi I(x,‘y) 1a giao diém cua BD va AC.

Do d6 Z)«I(x—IS;y),BE(—?,%j cung phuong suy ra

3(x-15
36=15) 37 s iasym1s—0 )
T

E(x—6;y—3), E(—S;—S) cung phuong suy ra x—6 :y—_3:>x—y—3:O
()

-5 -5
\ \ 7,
Tur (1) va (2) suy ra x=5 va y=

1
2

— =

Viy giao diém hai dudng thang BD va AC 1a I (7 ! j .

Céu 28: Tacé 2BD =5DC, BD(x,,y,-1),DC(3-x,;-¥,)

:D(EEJ
77

Cau29: Taco S, =3S,,, < BC =3BM = BC = +3BM

[—
(9]

= — xD =
Do d(’){ 2x, 5(3 xD) -
2(yD—1)=5(—yD)

<o

Yp =

Goi M (x;y)= BM (x-2;y-1); BC(-3,-3)

{—3:3(x—2) {le {—3:—3(x—2) {x=3
Suy ra = hoac 3 =4

-3=3(y-1) " |y=0

Viy c6 hai diém théa man M, (1,0), M, (3;2).
Céu 30: I 1 trung diém AC nén C(4,-1)

Goi D(2a;a)= B(2-2a;2-a)

AK (1,-1), AB(4-2a;-1-a)

—2a_ _1_1“ = a=1=D(2;1), B(0;1)

Vi AK, AB cung phuong nén 4

BAI TAP TRAC NGHIEM VECTO TRONG MAT PHANG TQA PO
BAI TAP TRAC NGHIEM 1
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Caul: Trong mit phang Oxy, cho A(x,;»,) va B(x,;¥;). Toa d¢ trung diém / cia doan

thang AB la:
AT Xy =X . V4" Vs ' B. | Xyt Xg VitV '
2 72 2 7 2
C. ] xA+xB.yA+yB]. p. 7| Xt Ve Xg T Vs |
3 73 27 7 2
Loi gidi
Chon B
Ta co: I 1a trung diém cua doan thing
oo XAt X
—_ . X —X, =X,—X 1
AB:>AI:IB<:>{ LA 2
Yi=Va=Vp =V _Vat Vs
Yr=
2
Vay I Xyt Xp VatVp '
' 2 72
Cau2: Cho cic vecto u = (u;u, ), v=v;v,). Diéu kién dé vecto u=v la
v, =V, u, =-v, u, =v, u, =v,

Loi giai

Cau3: Trong matphang Oxy, cho A(x,;y,) vd B(x,;y,). Toadd cua vecto 4B la

A.Zgz(yA—xA;yB—xB). B.Zﬁz(xA+xB;yA+yB).

C.ZEZ(XA—XB;)/A—)/B)- D'ZE:(XB_'XA;yB_yA)'
Loi giai

Chon D

Theo cong thit toa d vecto AB =(x, —x,; v, —,)-
Cau4: Trong mit phang Oxy, cho A(x,;y,), B(xz:¥,)va C(xc;vc). Toa do trong tim G
cta tam gidc ABC la:

A G Xy =Xg+Xe YVt Vet Ve . B. G Xy +Xp+Xe YVt YVpt)e .
3 ’ 3 3 ’ 2
C. G(xA+xB+xC.yA+yB+ij' D. G(xA+xB+xC.yA+yB+ij'
3 ’ 3 2 ’ 3
Loi giai
Chon C
Ta co: G latrong tdm cua tam giac ABC = OA+ OB +0C =30G v6i O la didm bét
ki.

Chon O chinh 1a gbc toa do O. Khi d6, ta co:
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Cau 5:

Cau 6:

Cau 8:

XA+XB+)CC

— e e X, +x,+x.=3x Y6 =
OA+OB+OC=30G<:>{A BT = Mo 3
Vit Vst+ye =3y, VatYetye
Yo = 3

b

3 3
Ménh d¢ nio sau day ding?

:G[xA+xB+xC 'yA+yB+ycj'

A. Hai vecto u = (2;-1) v av= (-1;2)déi nhau.
B. Hai vecto u = (2;-1) vay= (—2;-1) déi nhau.
C. Hai vecto u = (2;-1) vay= (—2;1) d6i nhau.
D. Hai vecto u = (2;-1) vavy= (2;1)ddi nhau.
Loi giai

Chon C

Taco: u=(2;-1)=—(-21)=-v = u va v ddi nhau.

Trong h¢ truc (O;;;}') , toa @0 cua vec to f+}' la:

A. (-L1). B. (10). C. (0;1). D. (L1).
Loi gidi

Chon D

Taco: i+j=(1;0)+(0;1)=(L1).

Trong mit phang toa dd Oxy cho A(5;2),B(10;8). Toa d¢ ciia vec to AB 1a:

A. (2:4). B. (5;6). C. (15;10). D. (50;6).
Loi giai

Chon B

Taco: AB=(10-58-2)=(5;6).

Cho hai diém A4(1;0) va B(0;-2). Toa d6 trung diém ctia doan thing 4B la:

A. G;—lj. B. (—1;%). C. G;—zj. D. (L;-1).

Loi gidi
Chon A
Ta c6: Trung diém cua doan thang 4B 1a:

I X4 Xy Yat Vs |_ 1+0 0+(-2) _ l‘—l
2 72 27 2 27 )

Cho tam gidc ABC c6 trong tAm la gbc toa d6 O, hai dinh 4 va B c6 toa do 1a
A(—2;2);B(3;5). Toa dd cua dinh C la:
A. (7). B. (-1;-7). C. (-3;-5). D. (2;-2).

Loi giai

Chon B
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xo:xA+x;+xc 0:—2+§+xc L
Ta co: = <:>{ ¢ .
_YatVstYe  |g2F9+ Ve Ye=-T

o 3 3

Cau 10: Vecto a = (—4;0) duoc phan tich theo hai vecto don vi nhu thé nao?
A a=—4i+]. B.a=—i+4;. C.a=-4j. D. a=—4i.
Loi giai
Chon D
Taco: a=(-40)=a=—4i+0j=—4.
CAu 11: Cho hai diém A(l;O) va B(O; —2).Toa dd diém D sao cho AD = -34B la:
A. (4;,-6). B. (2;0). C. (0;4). D. (4;6).
Loi gidi
Chon D
——xpymx=3(x—xy) x, —1=-3(0-1) x, =4
Taco: AD =-34B < & — .
yD_yA=_3(yB_yA) yD_0=_3(_2_O) Yp =
Cau12: Cho a=(-5;0),b=(4;x). Haivec to a va b clng phuong néu sb x la:
A. -5, B. 4. C. -1. D. 0.
Loi gidi
Chon D
Tacd: a va b cung phuong khi a=kb=x=0.
Cau13: Cho a=(-1;2),b=(5;~7). Toa dd cta vec to a—b la:
A. (6;-9). B. (4;-5). C. (-6;9). D. (-5-14).
Loi giai
Chon C
Tacod: a—b =(-1-52+7)=(-69).
Cau 14: Cho hinh chit nhat ABCD c6 AB =3,BC =4 . D¢ dai cua vec to AC la:
A.9. B. 5. C. 6. D. 7.
Loi gidi
Chon B
Taco: [AC|= AC =V 4B + BC* =3 +4* =5.

Cau 15: Cho hai diém A(1;0) va B(0;-2). Vec to ddi clia vecto AB ¢6 toa dd la:
A. (-12). B. (-1-2). C. (1;2). D. (1;-2).
Loi gidi
Chon B
Ta ¢6 vecto ddi cia 4B 1a BA=(0-1;-2-0)=(-1;-2).
Cau 16: Cho a= (3;—4),[3 =(-1;2). Toa do cua vec to a+b la:
A. (2-2). B. (4;-6). C. (-3;-8). D. (—4;6).
Loi gidi
Chgn A
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Tacod: a+b=(3+(=1);(-4)+2)=(2-2).
Khing dinh ndo trong cic khang dinh sau 1a ding?
A. Hai vec to u = (4,2) va V= (8;3) cung phuong.
B. Hai vec to a =(~5;0) va b=(-4;0) cang hudng.
C. Hai vec to a = (6;3) va b= (2;1) nguochudng.
D. Vecto ¢ = (7;3) 1a vec to dbi cua d= (-7;3).
Loi gidi
Chon B

Ta co: Zz:%l; suy ra a cung huéng voi b.

Cho Zz=(x;2),l3:(—5;1),zz(x;7).Vec to ¢ =2a+3b néu:

A. x=3. B. x=-15. C. x=15. D. x=5.
Loi gidi

Chon C

x=2x+3.(=5)

7=22+3.1

Tacé:2=2a+313@{ o x=15.

Choa =(0,1),b=(-1;2),c=(-3;-2).Toa d0 cuau =3a+2b—4c:

A. (10;-15). B. (15;10). C. (10;15). D. (-10;15).
Loi giai

Chon C

Ta c6: u=3a+2b—4c=(3.0+2.(~1)=4.(-3);3.1+2.2-4.(=2)) = (10;15).

Cho 4(0;3),B(4;2). Piém D thoa OD+2DA-2DB =0, toa do D la:

A. (-3;3). B. (8-2). C. (-82). D. (2;2].

Loi gidi
Chon B
. x,—0+2(0-x,)-2(4-x,)=0 {xD =8
Tacd: OD+2DA-2DB=0< & .
yD—O+2(3—yD)—2(2—yD)=O Vp=-2
Tam giac ABC c6 C(—2;—4), trong tam G(0;4), trung diém canh BCla M(2;O).

Toado 4 va B la:

A. A(412),B(4:6). B. A(—4;-12),B(6;4).

C. A(-412),B(6;4). D. A(4;,-12),B(-6;4).
Loi giai

Chon C
= X +(_2)

, \ . R 2 Xy =0

Ta co: M(2;O) la trung diém BC nén = = B(6;4)

OZYB+(_4) V=4

2
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

X, +6+(-2)

0 3 x,=—4
G (0;4)1a trong tm tam gidc ABC nén = = A(-4;12).
podathr ) Ly, =12
3
Cho a=3i—4j va b=i— ;. Tim phat biéu sai:
A.]d|=5. B. [p|=0. C.a-b=(2-3).  D.[o[=+2.

Loi giai

Chon B

Ta co: Zz=3§—4}':21(3;—4), l;:;—}':l;(l;—l):‘l;‘zx/i.

Cho A(1;2),B(-2;6). Diém M trén truc Oy sao cho ba diém 4, B, M thing hang thi

toa do diém M la:

A. (0;10). B. (0;—10). C. (10;0). D. (—10;0).
Loi gidi

Chon A

Taco: M trén truc Oy = M (0; )

Badiém 4,B,M thing hang khi AB cing phuong v6i AM

Taco AB=(-3;4), AM =(-1;y-2). Do d6, 4B cing phuong véi

m@_—1=y7_2:>y=1o.vay M (0;10).

-3

Cho 4 diém A(1;-2),B(0;3),C(-3;4),D(-18). Ba diém nao trong 4 diém da cho la

thang hang?

A. 4,B,C. B. B,C,D. C. 4,B,D. D. 4,C,D.
Loi giai

Chon C

Ta co: 25(—2;10),@(—1;5) — AD =2A4B = 3 diém A,B,D thing hang.

Trong mit phang Oxy, cho B(5;-4),C(3;7). Toa dd clia diém E ddi xtimg véi C qua

B la

A. E(1;18). B. E(7;15). C. E(7;-1). D. E£(7;-15).
Loi giai

Chon D

Taco: E d6i ximg voi C qua B = B la trung diém doan thing EC

5:xE+3

x, =7
Do do, ta co: 2 @{ £ = E(7;-15).
_4:yE+7 vy =-15
2

Trong mat phéng Oxy, cho céc diém A(1;3),B(4;0). Toa d6 diém M thoa

3AM + AB=0 la

A. M(4,0). B. M (5;3). C. M(0;4). D. M (0;-4).
Loi giai

Chgn C
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Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

. [3(xy 1)+ (4-1)=0 -0
Tac6:3AM+AB=Oc>{(xM )r(4-1)= {x =M (0:4).

3 =3)+(0-3)=0 [y =
Trong mit phang Oxy, cho cac diém A( 3;3 ,B( ) (2;—5). Toa d6 diém M
thoa man 2MA — BC = 4CM la:

A M L3 B.M[-L-2)  cm[L-2l b
6 6 6 6 6 6
M(é,—lj
6 6
Loi giai
Chon C
Ta co:

25 T )

2m‘FC=4C—M©{2(3—yM)—(—5—4):4(yM +3)

Trong mit phing toa do Oxy cho bdén diém A4(3;-2), B(7;1), C(0;1), D(-8;-5).
Khiang dinh nao sau day 1a dung?

A. AB,CD dbi nhau. B. AB,CD cung phuong nhung
nguoc hudng.
C. AB,CD cung phuong cung hudng. D. A, B, C, D thing hang.
Loi gidi
Chon B

Taco: AB=(4;3),CD=(-8;-6)= CD=-24B.

Trong mit phang Oxy, cho céc diém A(1;3),B(4;0),C(2;-5). Toa d6 diém M théa

min MA + MB-3MC =0 la

A. M (1;18). B. M (-118). C. M (-181). D. M (1;-18).
Loi giai

Chon D

(1-x,)+(4-x,)-3(2-x,)=0 @{XM =1

(3=2u)+(0=yy)=3(=5-3,) =0

Trong mat phéng Oxy, cho A(—Z;O),B(S, 4) C( -5; 1) Toa dd diém D dé ti giac

BCAD 1a hinh binh hanh la:

A. D(-8-5). B. D(8;5). C. D(-8;5). D. D(8;-5).

Loi giai

Ta co: m+m—3M_c':6@{

Chon D
Ta co: tir gidc BCAD 1a hinh binh hanh khi

— — -5-5=-2-x, x, =8

BC=DA< Rt .
1+4=0-y, Y, =-5

Trong mit phang Oxy, cho 4(2;4), B(-1;4),C(-5;1). Toa do diém D dé tir giac

ABCD 1a hinh binh hanh la:
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Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

A. D(—8;1). B. D(6;7). C. D(—2;1). D. D(8;1).
Loi giai

Chon C

Ta co: tir gidc ABCD 1a hinh binh hanh khi

— — {—1—2:—5—xD {xD =-2
AB=DC < = .

4-4=1-y, y, =1
Trong mit phdng Oxy, goi B',B" va B" lan luot la diém déi xtmg cua B(-2;7)qua
truc Ox,Oy va qua gbc toa dd O. Toa do cua cac diém B',B" va B" la:
A. B'(-2;-7), B"(2;7) va B"(2;-7). B. B'(-7;2), B"(2;7) va B"(2;-7).
C. B'(-2;-7), B"(2;7) va B"(-7;-2). D.
B'(-2;-7), B"(7;2) va B"(2;-7).

Loi giai

Chon A
Ta co: B' d6i xtg véi B(—2;7) qua truc Ox = B'(—2; —7)
B" dbi xtmg véi B(-2;7) qua truc Oy = B"(2;7)
B™ dbi xtmg v6i B(-2;7) qua gbc toa dp O = B"(2;-7).
Trong mat phéng Oxy, cho hai diém A(O;2),B(1;4). Tim toa d6 diém M théa man

AM =-24B la:
A M(-2;-2). B. M (1;-4). C. M (3;5). D. M (0;-2).

Chon A

Tacod: AM =-2AB <

Cho a=(-4,1)vab=(-3,-2). Toadd c=a—2hla
A. c=(1;-3) B. c=(25). C. c=(-7;-1). D
c=(~10;-3)
Loi gidi
Chon B

Taco: ¢ =a—2b=(-4-2.(-3);1-2.(-2)) =(2;5).

Cho a= (2016~+/2015;0), b= (4;x). Hai vecto a,b cung phuong néu
A. x=504. B. x=0. C. x=-504. D. x=2017.
Loi gidi

Chon B

Ta co: a,b cung phuong Sa=kb=x=0.

Trong mit phing Oxy, Cho AG;—3);B(—2;5) . Khidoé a=-44B ="
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

!
I}

A. a=(22;-32). B. a=(22;32). C.a=(-2232).  D.

Loi giai
Chgn A
Taco: a=-44B =—4(—2—%;5+3j =(22;-32).

Trong mit phang Oxy, cho a = (m—2;2n+1),b=(3;-2). Néu a=b thi

A.m=5n=-3. B.sz,nz—%. C.m=5n=-2. D.
m=5n=2.
Loi giai
Chon B
. . (m-2=3  |M=?
Tacod: a=b<= = 3.
2n+1=-2 nz—z

Trong mit phing toa dd Oxy, cho A4(2;-1). Diém B 1a diém ddi ximg ctia 4 qua truc

hoanh. Toa d¢ diém B la:

A. B(2;1). B. B(-2;-1). C. B(1;2). D. B(1;-2).
Loi giai

Chgn A

Ta co: B 1a diém d6i xtmg ctia 4 qua truc hoanh = B(2;1) .

Trong mit phing toa dd Oxy choa = (2;1), b=(3;4), ¢ =(7;2). Cho biét ¢ = m.a+nb

. Khi do

A.m:—g;n:i. B.m:l;n:_—3. C.ng;n:i. D.
5 5
22 3
m=—;n=—
5 5
Loi giai
Chon C
22

.- S 7=2m+3n "= 5
Tacod: c=ma+nb< = .
2=m+4n " 3

5
Cho cac vecto Zz:(4;—2),5:(—1;—1),2:(2;5). Phan tich vecto b theo hai vecto

a va c, ta duogc:



Chgn A

S —1=4m+2n 8 - 1- 1-
Gid st b=ma+nc & = NVay b=——a——c
—1=-2m+5n n——l 8 4
4

- - 1 - Lo
Cau41: Cho a=(x;2), b=(—5;§], ¢=(x;7). Vecto ¢ =4a—3b néu

A. x=15. B. x=3. C. x=-15. D. x=-5.
Loi giai
Chon D
x=4x-3.(-5)
Tacéd: ¢ =4a-3b < 1 & x=-5.
7:4.2—3.5

Cau 42: Trong mat phéng Oxy, cho A(m—1;—1),B(2;2—2m),C(m+3;3). Tim gia tri m dé
A,B,C 1aba diém thiang hang?
A.m=2. B. m=0. C. m=3. D. m=1.
Loi giai
Chon B
Ta co: ﬁ:(3—m;3—2m), E:(4;4)
Ba diém 4, B,C thing hang khi va chi khi AB cing phuong véi AC
3-m_3-2m =0
4
Cau 43: Cho hai diém M (8;-1),N(3;2). Néu P 1a diém ddi xtmg v6i diém M qua diém N
thi P co toa do la:

A (<2:5). B. (13-3). C. (11:-1). D. (%%j
Loi gii
Chon A
Ta co: P 1a diém ddi xtng v6i diém M qua diém N nén N 1a trung diém doan
thang PM
- 8+x,
, . 2 Xp=—2
Do do, ta co: = = P(-2;5).
H_ ED+y, e =35
2
Cau 44: Cho tam gidc ABC véi A(3;-1),B(-4;2),C(4;3). Tim Ddé ABDC1a hinh binh
hanh?
A. D(3;6). B. D(-3;6). C. D(3;-6). D. D(-3;-6).
Loi giai
Chon B
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Ta c6: ABDC la hinh binh hanh

—4-3=x, —4<:> x,=-3
2+1=y,-3 Y, =6
Cau 45: Cho K(1;-3). Piém A4e€Ox,BeOy sao cho 4 1a trung diém KB. Toa d¢ diém B

@Ez@@{ = D(-3;6).

la:
A (0:3). B, Goj C. (6:2). D. (4:2).
Loi giai
Chgn A
Ta c6: A€ Ox,BeOy= A(x;0),B(0;y)
NI
A 14 trung didm KB = 2 =2 vay B(0;3).
-3+y
0= y=3
2
Cau 46: Cho tam gide ABC voi A(3:1),B(4:2),C(4-3). Tim D d& ABCD 1a hinh binh
hanh?
A. D(-3;4). B. D(-3;—4). C. D(3;-4). D. D(3;4).
Loi giai
Chon B

Ta c6: ABCD 1a hinh binh hanh
4-3=4-x X, =-3
2—1=—3—;D©{y2=—4
Cau47: Cho M(2;0),N(2;2),P(-13) lan luot 1a trung diém céc canh BC,CA,AB cua
AABC . Toadd B la:
A. (L1). B. (-1;-1). C. (-L1). D. (L-1).

Loi giai

@E:D—CQ{ = D(-3;-4).

Chon C

B

Ta c6: BPNM 1a hinh binh hanh nén
{xB +Xxy =X, +X,, @{XB +2=2+(-1) @{XB =—1.
Vet Vy=Yptyy (Y +t2=0+3 yp=1
Cau 48: Cac diém M (2;3), N(0;-4), P(-16) lan luot la trung diém cac canh BC, CA,
AB cua tam gidac ABC . Toa d¢ dinh A4 cua tam giac la:
A. (,-10). B. (L5). C. (-3;-1). D. (-2;-7).
Loi giai
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Chon C

B " c
Ta c6: APMN la hinh binh hanh nén

X, +x, =X,+Xx x,+2=0+(-1 x,=-3
{A M P N @{ A ( )@{ A )
Vit Yy =Yp+Vy Y, +3=(-4)+6 yy=-1

Céu 49: Trong mit phang toa do Oxy, cho tam gidc MNP co M(l;—l),N(S;—3) va P thudc

truc Oy ,trong tam G cua tam giac nam trén truc Ox .Toa do cua diém P la

A. (0;4). B. (2;0). C. (2:4). D. (0;2).

Loi giai
Chgn A
Ta c6: P thudc truc Oy = P(O;y), G nam trén truc Ox = G(x;O)
1+5+0
= x=2
G latrong tam tam giac MNP nén ta co: 3 < {
0 CED+E)+y T |y=4
3

Vay P(0;4).
Cau 50: Cho cac diém A4(-2;1),B(4;0),C(2;3). Tim diém M biét ring CM +3A4C = 24B

A. M(2;-5). B. M (5-2). C. M(-52). D. M(2;5).

Loi giai
Chgn A
— X, —2+3(2+2)=2(4+2 x, =2
Taco: CM +34C=24B <1 " (2+2)=2( )© YT = M(2;-5)
yM—3+3(3—1)=2(0—1) Yy =-5

BAI TAP TRAC NGHIEM 2
Cau 1: Trong mit phang Oxy, cho A(xA;yA) va B(xB;yB). Toa d6 trung diém I cta doan

thang AB la:

A 1| X=X Ya= s | B. 7| 2a™Xs Yat Vs |
2 72 2 72
C.] xA+xB.yA+yB . D.] xA+yA.xB+yB .
37 3 2 0 2
Loi giai
Chon B.
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Taco: I 1a trung diém cua doan thing

o= KAt
—_— X, =X, =X,—X =
AB:>AI=IB<:>{’ AT 2
Yi=Va=Ve =V _VatDs
Y=
2
Vay I xA+xB;yA+yBj.
2 2
Cau2: Cho cac vecto u = (u;u, ), v=_v;v,). Diéu kién dé vecto u=v 1a
AT B.] T, e p. /7"
=V, Uy =", U =7, Uy ="
Loi giai
Chon C.
Cau3: Trong mit phing Oxy, cho A(x,;y,) va B(x,;¥,). Toado cia vecto 4B la
A. Ez(yA—xA;yB—xB). B. Ez(xA+xB;yA+yB).
C. E:(xA—xB;yA—yB). D. E:(xB—xA;yB—yA).
Loi gidi
Chon D.

Theo cong thitc toa do vecto AB =(x, —x,; v, -, ).
Cau 4: Trong mit phang Oxy, cho A(xA;yA), B(xB;yB)vd C(xc;yc). Toa d¢ trong tam G

cua tam giac ABC la:

AL G(xA_xB+xC,yA+yB+yC]' B. G XytXpg+Xe YV, TVt Ye '
3 ’ 3 3 ’ 2
C. G X, +Xp+Xe YV, +Yp+Ye . D. G X, +Xp+X. Vy+Yp+Ve '
3 ’ 3 2 ’ 3
Loi giai
Chen C.
Ta c6: G 1a trong tAm cua tam gidc ABC = OA+ OB +O0C =30G v6i O 1a diém bét
ki.
Chon O chinh la géc toa dd O. Khi @0, ta co:
. xG:xA+xB+xC
. X, +x,+x.=3x
0A+OB+OC:3OG<:>{ AT T e T e 3
Vit YptYe=3ys y = Xat Vet Ve
¢ 3
—~G xA+xB+xC;yA+yB+yC .
3 3
Cau5:  Trong mit phang toa dd Oxy cho A(5;2),B(10;8). Toa do clia vec to AB 1a:
A. (2;4). B. (5;6). C. (15;10). D. (50;6).

Loi giai
Chon B.
Tacé: AB=(10-5;8-2)=(5;6).
CAu 6: Cho hai diém A(l;O) va B(O; —2) .Toa d6 diém D sao cho AD =-3A4B la:
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A. (4-6). B. (2;0). C. (0;4). D. (4;6).

Loi gidi
Chon D
S — {xD—xA:—?)(xB—xA) {xD—I:—3(O—1) {XD=4
Taco: AD=-34B < & & .
Yo=Yi="3(ys=»y) |(¥p-0=-3(-2-0) |y, =6
Cau7: Cho Zz=(—1;2),13 =(5;-7). Toa d6 cua vec to a—b la:
A. (6,-9). B. (4-5). C. (-6;9). D. (-5;-14).
Loi gidi
Chon C.

Tacé: a—b=(-1-52+7)=(-69).
Cau 8: Cho hinh chir nhat ABCD c6 AB =3,BC =4.D0J dai cia vec to AC la:
A.9. B. 5. C.6. D.7.
Loi giai
Chon B.
Ta co: ‘Iﬁ‘: AC =~/ AB* + BC* =+[3* +4* =5

Cau9: Cho hai diém A(1;0) va B(0;-2). Vec to ddi clia vecto AB 6 toa do la:
A. (-12). B. (-1;-2). C. (L2). D. (,-2).
Loi giai
Chon B.
Ta c6 vecto di cia AB 1a BA= (0-1;-2-0)=(-1-2).
Cau 10: Cho a= (3;—4),5 =(-1;2). Toa d6 cua vec to a+b la:
A. (2;-2). B. (4;-6). C. (-3-8). D. (—4;6).
Loi gii
Chon A.
Tacé: a+b=(3+(-1);(-4)+2)=(2;-2).
Cau11: ChoA(0;3),B(42).Diém D théa OD+2DA-2DB =0, toa do D la:

A. (-3:3). B. (8;-2). C. (-82). D. (2;5).

Loi giai
Chon B.
. x,—0+2(0-x,)-2(4-x,)=0 {xD=8
Taco: OD+2DA-2DB=0< & .
yp—=0+2(3-y,)-2(2-y,)=0 Vp=—2
Cau 12: Trong mit phang toa d Oxy cho bdén diém A(3;-2), B(7:1),C(0;1), D(-8;-5).

Khang dinh nao sau déy la dang?

A. AB,CD d6i nhau. B. AB,CD cung phuong nhung
nguoc hudng.
C. 4B,CD cung phuong cung hudng. D. A, B, C, D thang hang.

Loi gidi
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Chon B.

Ta c6: AB =(4;3),CD=(-8-6)= CD=-24B.

Trong mit phang Oxy, cho céc diém 4(1;3),B(4;0),C(2;-5). Toa do diém M thoa

man MA+MB-3MC =0 1a

A. M (1;18). B. M (-1;18). C. M (-181). D. M (1;-18).
Loi gidi

Chon D.

. - - 4-x,)-3(2-x,)=0 =
Ta co: MA+MB—3MC:O<:>{( ) (47 ) =327 ) @{XM b
(3=2u)+(0=2y)=3(=5-2) =0 3y =-18

Trong mit phang Oxy, cho A(—2;0), B(S;—4), C(—S;l). Toa d6 diém D dé tir giac

BCAD 1a hinh binh hanh la:

A. D(-8-5). B. D(8;5). C. D(-85). D. D(8-5).
Loi giai

Chon D.

Ta c6: tir gidc BCAD 1a hinh binh hanh khi

— -5-5=-2-x, x, =8

BC=DA< = .
1+4=0-y, Yp=-5

Trong mat phrfmg Oxy, cho A(2;4), B(—1;4), C(—S;l). Toa d6 diém D dé tu giac

ABCD 1a hinh binh hanh la:

A. D(-81). B. D(6;7). C. D(-21). D. D(81).

Loi gidi
Chon C.
Ta co: tr gidc ABCD 1a hinh binh hanh khi

_— — -1-2=-5-x, x, =-2
AB=DC < = .
4-4=1-y, yp =1

Trong mat phéng Oxy, cho hai diém A(O;2),B(l;4). Tim toa d6 diém M thoa mén

AM =-24B la:

A. M(-2;-2). B. M(1;-4). C. M (3;5). D. M (0;-2).
Loi giai

Chon A.

X ~0=-2(1-0) {XM o m(-22).

Taco: AM =-2AB < =
Yyu—2=-2(4-2)  (yy=-2

Cho Zz=(—4,1)vab (-3,—2). Toa dd c=a-2bla:
A. c=(1;-3). B. c=(2;5). C. c=(-7;-1). D.
c=(-10;-3)
Loi giai
Chon B.
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Tacé: c=a-2b=(-4-2.(-3);1-2.(-2))=(2;5).

Cho 5:(2016\/2015;0), Z;:(4;x). Hai vecto a,b cung phuong néu
A. x=504. B. x=0. C. x=-504. D. x=2017.

Loi giai
Chon B.

Ta co: a,b cung phuong < a=kb= x=0.

Trong mit phiang Oxy, Cho A(%;—3J;B(—2;5) .Khido a=—-44B=?

A. a=(22;-32). B. a=(22;32). C. a=(-22;32). D.
a= _711;8).

Loi giai
Chon A.

Taco: a=—4A4B = —4(—2—%;5+3] =(22;-32).

Trong mit phing Oxy, cho a =(m—2;2n+1),b= (3;-2). Néu a=>b thi

A. m=5n=-3. B.m=5,n=—%. C.m=5n=-2. D.
m=5n=2.
Loi giai
Chon B.
.. [m-2=3 M7
Taco: a=b< & 3.
2n+1=-2 nz—E

Trong mit phing toa @ Oxy, cho A4(2;-1). Piém B 1a diém ddi ximg clia 4 qua truc

hoanh. Toa d6 diém B la:

A. B(2;1). B. B(-2;-1). C. B(1;2). D. B(1;-2).
Loi giai

Chon A.

Ta co: B 1a diém déi ximg cia 4 qua truc hoanh = B(2;1).

Trong mit phing toa d6 Oxy choa =(2;1), b=(3;4), ¢ =(7;2). Cho biét ¢ = m.a+nb

. Khi d6

A-m=——;n=—. B.m=%;n=_—3. C.m=2;n=_—3. D.

Loi giai
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Chon C.

7= 2m+3n

Tacod: ¢ = ma+nb <
2=m+4n

Cau 23: Cho cac vecto Zz:( —1; —1 E . Phan tich vecto b theo hai vecto

a va c, ta duogc:

e L2 B.h-ta-1o ch--li—ac. D
8 4 8 4 2
p--Llaile
4
Loi giai
Chon A.
e —1=4m+2n A D
Giast b=ma+nc < = Vay b=——a——c
“t==2m+sn | 1 8 4
4

- - 1\ - L,
Cau24: Cho a=(x;2), b=(—5;§j, ¢=(x;7). Vecto ¢ =4a—-3b ncu

A. x=15. B. x=3. C. x=-15. D. x=-5.
Loi giai
Chon D.
x=4x-3.(-5)
Taco: c=4a-3b <= 1 & x=-5.
7=4.2—3.§

Céu 25: Trong mit phing Oxy, cho A(m—1;-1),B(2;2-2m),C(m+3;3). Tim gia tri m dé
A,B,C la ba diém thing hang?
A.m=2. B. m=0. C.m=3. D. m=1.
Loi giai
Chon B.
Tacd: AB=(3—m;3-2m), AC =(4;4)
Ba diém A4, B,C thing hang khi va chi khi 4B cung phuong véi AC

3-m 3-2m
—=—m=0.
4 4

Cau 26: Cho hai diém M (8;-1),N(3;2). Néu P 1a diém ddi xtmg véi diém M qua diém N

thi P co toa do la:

A (<2:5). B. (13-3). C. (11-1). D. (%%j
Loi giai
Chon A.
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Cau 27:

Cau 28:

Cau 29:

Cau 30:

Ta co: P 1a diém ddi xtng v6i diém M qua diém N nén N 1a trung diém doan
thing PM

3 8+x,
, . 2 xp=-2
Do do, ta co: = = P(-2;5).
2=(—1)+)’p Vp =3
2

Cho tam gidc ABC véi A(3;-1),B(—4;2),C(4;3). Tim Ddé ABDCla hinh binh
hanh?
A. D(3;6). B. D(-3;6). C. D(3;-6). D. D(-3;-6).

Loi giai

Chon B.
Ta c6: ABDC 1a hinh binh hanh

—4-3=x, —4@ x,=-3
2+1=y,-3 v, =6

Cho K (1;-3). Diém A€ Ox,B €Oy sao cho 4 1a trung diém KB. Toa do diém B

@E:CT)@{ = D(-3;6).

la:

A (0:3). B, Goj C. (6:2). D. (4:2).
Loi giai

Chon A.
Taco: AeOx,BeOy= A(x;0),B(0;y)
:% 1

x=—

= 2 .Vay B(0;3).
0 —3+y _3
2

Cho tam giac ABC voi A(3;1),B(4;2 ,C(4;—3). Tim D d& ABCD 1a hinh binh
hanh?
A. D(-3;4). B. D(-3;—4). C. D(3;-4). D. D(3;4).

X
A 1a trung diém KB =

y

Chon B.
Ta c6: ABCD 1a hinh binh hanh

4-3=4-x, - x, =-3
2-1=-3-y, yp,=—4
Cac diém M(2;3), N(O;—4), P(—1;6) lan luot 1a trung diém cac canh BC, CA,

@ﬁ=ﬁ€<:>{ = D(-3;-4).

AB cua tam giac ABC . Toa d¢ dinh A4 cua tam giac la:

A. (1,-10). B. (15). C. (-3-1). D. (-2;-7).
Loi giai

Chon C.
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B M c
Ta c6: APMN la hinh binh hanh nén
X, +X, =X,+x x,+2=0+(-1 x,=-3
{ A M P N @{ A ( )@{ A )
VitV =Vpt+ry y,+3=(-4)+6 yv,=-1
Céu 31: Trong mit phang toa 46 Oxy, cho tam giac MNP co M(l;—l),N(S;—3) va P thudc

truc Oy ,trong tdm G cua tam gidc nam trén truc Ox .Toa d6 cua diém P 1a

A. (0;4). B. (2;0). C. (2:4). D. (0;2).
Loi giai
Chon A.
Ta co: P thudc truc Oy = P(0;), G ndm trén truc Ox = G(x;0)
1+5+0
= x=2
G la trong tam tam giac MNP nén ta co: 3 < {
0 DD +y T [y=4
3
Vay P(0;4).
Céu 32: Cho cac diém 4(-2;1),B(4;0),C(2;3). Tim diém M biétrang CM +34C =248
A. M(2;-5). B. M (5-2). C. M(-52). D. M (2;5).
Loi gidi
Chon A.

Xy —2+3(2+42)=2(4+2) {XM =2 M (2-5)

Tacod: CM +34AC =2AB <
{yM—3+3(3—1):2(0—1) Yy =-5
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BIEU THUC TOA PO CUA TICH VO HUONG
A. TOM TAT LY THUYET.

Cho hai vecto @ = (z,;y,) va b= (z,;y,) . Khi do

1) a.b = 2,7, + YV,

2)a = (z;y) =|al=~2* + ¢

- —

3)COS(; Z) _ ab Ty + YV,
’ 2 2 2 2
Vo +yial +

—||—

b

a

Hé qua:
talbs o, +yy, =0

+ Néu Az ,5y,) va B(xyy,) thi AB = \/(xB - “TA)Q + (Y — ?/A)2
B. PHUONG PHAP GIAI TOAN

1-Dang 1: Biéu thirc toa dd caa tich vé hwéng
Phwong phap:
-Dung dinh nghia tich vd hudng
-Dung biéu thuc toa do cua tich vo hudng
-Céc tinh chat hinh hoc va cac hé thirc lugng trong tam giac
BAI TAP TU LUAN

Vi du 1: Cho ba véc to 21:(—1;1); 52(2;0),22(1;3) .
a) Tim a.b; bé; a(b —27)
b) Goc gitra hai véc to a,b
¢) Tim gitra hai véc to ava b+¢
d) Tim toa do x biét xa=5va xc=-2
Loi giai

a)Ta co:

ab=(-1)2+1.0=-2

bi=21+03=2

a(b-2¢)=ab-2ac=-2—((-1).1+1.3) =4,

b) Goc gitra hai vécto a, b duge tinh bang cong thirc:

~12+1.0 2 2
cos ab =——=(a,b|=135°.
w/ +12\/22+02 24 2 (@)
¢) b+¢=(3
cos a,b+ 13413 (Zz;l;+5):90°.
,/ +12\/32+32
d) Gia su xz(x;y)
o 17
{x.a:S {—x+y:5 x——:
. & &
xc=-2 x+3y=-2 3
y=Z
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- (173
Vay x=| ——;=
by 7=(-543)

Vi du 2: Trong mit phang Oxy, hiy tinh goc gitra hai vecto avab trong mdi trudng hop sau:
a) a=(-3;1).b=(26)
b) a=(3:1),b=(24)

¢) a=(—/2;1),b=(2—/2).

Loi giai
-\ ab
Van dung cong thurc tinh géc gitra hai véc to cos(a b) = Z;‘
-3.2+1.6 - = 0
a) cos a, b W 22+62 (a,b)—90
32+14 10 1 - =
b b =—=(a,b)=45°
) cos(ap)= iz 102 2 («.)

s R
SRy sr (2] W2
Vi du 3: Trong mit phang Oxy, cho ba diém khong thang hang A(2; 4) , B(—3; 1) , C(3; - 1) .
a) Tim AB.AC
b) GoiG la trong tam ABC . Tim AG.BC
c¢) Tim géc 4.

d) Tim toa do A' 1 hinh chiéu ctia 4 trén BC
Loi giai

) cos

—

1= (Zz, 13) =180°

a) Ta c6: AB =(=5;-3), AC =(1;=5) = AB. AC = (-5).1+(=3).(-5) =10.
2 4

b) Taco G(—;—

) 33

TG:(—i —§J BC=(6;-2)= AG.BC = (—fjm(ﬁj.(—z):—g
373 3 3 3

c) Taco

AB =/(=5)* +(-3)* =34
AC =1” +(=5)* =+/26.
BC =6 +(-2)* =2410.

2 2 p2 _
cosAzAC +AB” - BC :26+34 40:A:7OO20'.

2AC.AB 242634
d) Gia str A'(x;y)
Tacd AA' L BC < AA"BC =0va BA',BC cung phuong
AA" = (x—2;y—4),BC = (6;-2),BA' = (x+3;y +1)
AA'BC =0 6(x—2)+(-2)(y-4)=0< 6x—2y—-4=0 (1)

T 1
BA',BC cung phuong suy ra XTH:%Q—M—@/:O (2)
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Giai hé gdbm hai phuong trinh (1) va (2) ta duoc

3 1
Vay A'(=;——
ay A'( s 5)
Vi du 4: Trong mat phang Oxy, cho ba di€ém khong thang hang A(—4;1),B(2;4),C(2;-2).
a) Tim AB.BC
b) Giai tam gidc ABC
¢) Tim dién tich ta gidc ABC
d) Tim toa do truc tam H cua tam giac ABC
Loi giai
a)Ta co AB = (6'3) BC =(0;—6) = AB.BC =6.0+3.(-6) =—18

AB = \/(2+4 4-1Y =45 =35 .
= J(2+4) ( —2-1)" =+/45
=y(2-2) +(-2-4)" =6

_AB*+ AC?—BC*  45+45-36 23

cosd = 2! 53°
2ABAC  2.J45:45
, n A .~ o~ 180°-53° 0
Taco AB=AC nén ABC cantai A. Do d6 B:C:T:&,S.
Taco p= \/7+\/7+6 =/45+3

Dién tich tam giac ABC 1a S = \/P(P —\45)(p—/45)(p - 6) =18 (dvd)
d) Tim toa d¢ truc tam H cua tam giac ABC.
Loi gidi
Gia stir H(x;y) tacod AH :(x+4;y—l),B_(f:(O;—6),ﬁ:(x—2;y—4),@:(—6;3)
Vi H la truc tam tam gidc ABC

- = 13
nén{Ai'BE:O @{(x+4).0+(y—1).(—6)—0<:> x=> :H(E 1)
BH-CA=0 —6(x—8)+3(y—4):0 y=l 2
Vi du 5: Trong mit phang Oxy, cho ba diém khong thang hang A(2;4),B(1;1)
Tim toa d6 diém C sao cho tam giac ABC vudng can tai B
Loi giai
BC.BA=0
Gia st C(x; y). Vi tam gidc ABC vudng can tai B nén {‘%‘ :‘EL{‘ (1)

Ma BA=(1;3),BC=(x-1y-1)
x=4
I(x-D+3(y-1)=0 x=4-3y y=0

(I):> 2 2 2 2c> 2 <
F+3 =(x-D)*+(y-1) 10y =20y =0 {x:—Z

y=2
Vay 6 hai diém C thoa yéu cau bai toan 1a C(4;0) va C(-2;2)

Trang 3/9



Vi du 6: Trong mit phang Oxy, cho hai diém A(1;2), B(—4;3). Goi M(t;0) 1a mot diém thudc truc hoanh.
a) Tinh AM .BM theo t.
b) Tim t @& AMB = 90°.
Loi giai
a)Taco AM =(t-1;-2), BM =(t+4;-3)= AM.BM =(t—1)(t +4)+2.3=1"+3t+2
1
2

C— t
b) Dé AMB =90 thi AMLBM@AM.BM:0©12+3t+2:0<:>[t

Vay véi { ~ thi AMB=90'

Vi du 7: Cho tam gidc ABC c6 A(1;2), B(-2;6), C(9:8).
a) Chuing minh tam gidc 4BC vuodng tai 4.
b) Xéc dinh toa d¢ diém H thudéc BC sao cho AH ngan nhat.
Loi gii
a) Taco AB(-3;4), AC(8;6)= AB.AC=-3.8+4.6=0
Do d6 AB L AC hay tam gidc 4BC vuong tai 4.

b) AH khi H 13 hinh chiéu cua 4 1én BC
Goi H (x;y) 1a hinh chiéu ciia 4 1én BC.
Taco AH (x—1;y-2), BH (x+2;y-6), BC(11;2)
AH 1 BC < AHBC =0 11(x—1)+2(y-2)=0
Hay 11x+2y—-15=0 (1)

x+2 y-6

Mit khac BH,BC cung phuong nén T :Tc>2x—11y+7020 (2)

1 2
Tir (1) vé () suy ra x=. y:%

Vay hinh chiéu cia 4 1én BC la H(%%)
Vi du 8:Cho tam giac ABC ¢6 A(1;2), B(—2;6), C'(9;8).
a) Chirng minh tam gidc ABC' vudng tai A.
b) Tinh géc B cua tam giac ABC
¢) Xac dinh hinh chiéu cta A 1én canh BC
Loi giai:

a) Taco AB(—3;4), AC(8;6)= AB.AC =—38+4.6=0
Doddé AB L AC hay tam gidc ABC' vudng tai A.
b) Taco BC(11;2), BA(3;—4)

11.3+2.(—4) B
JIP +223 +(—4)

¢) Goi H (z;y) la hinh chiéu ctia A 1én BC.

Suyra cos B = cos(B—C”, ﬂ) =

-

Taco AH(z—1;y—2), BH(z+2y—6), BC(11;2)

AH 1 BC < AHBC =0 11(z—1)+2(y—2)=0
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Hay 11z +2y—15=10 (1)

Mit khac BH,BC cling phuong nén x1+12 = yT_G &2 -1ly+70=0 (2)

Tur(l)va(2)suyra x :1, Y _32
bt 5
A s g . . 132
Vay hinh chiéu cua A 1én BC la H E’F
Vi dy 9:Cho céc diém A(443;-1), B(0;3), C(8/3;3).

a) Tinh cac canh cua tam gidc ABC.
b) Tinh cac goc cua tam giac ABC .
Loi giai.
a) Ta c6 AB =(—4\B;4):> AB=/48+16 =38.
BC=(83;0)= BC =83
CA =(-4/3;-4)= 4B =3

2 2 2
b) Ta cb cosA:AB +AC”-BC :128 192:_1'
2.AB.AC 128 2

~

Suy ra A=120° va vi tam giac can tai 4 nén B=C=30".
Vi du 10:Cho céc diem 4(-1;-1), B(3;1), C(6;0).
a) Chimg minh ba diém A4, B,C khong thing hang.
b) Tinh goc B va dién tich tam giac ABC.
Loi giai.

a) Ta co AB = (4:2), AC = (7;1). Vi g 7&% nén ba diém 4, B,C khong thang hang.

b) Taco BA=(-4;-2), BC=(3;-1).

Do d6 cos B =cos(ﬂ,ﬁ?): (4)3+(2).(-) _ -10 _ —ﬂ.

J16+49+41  J200 2

Vay B=135".
‘ ol R N V2
Ha duong cao AH tacd S = EBC.AB.sm 45" = > 9+1.4/16 +4.7 =5.
Vi du 11:Cho céc diem 4(1;3), B(4;2).
a) Tim toa d6 diém D nam trén truc Ox va cach déu hai diém 4 va B.
b) Tinh chu vi va dién tich tam gidc OA4B.
Loi giai.
a) Vi D nim trén truc Ox nén D(x;0). Taco
DA=DB & DA* =DB* & (x—1) +3* =(x—4) +2°

<:>x2+1—2x+9:x2+16—8x+4<:>x=§.
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Vay D(E;Oj.
3
b) Chu vi tam giac la

OA+OB+0C =12 +3% +/4% 422 432 + 12 :2@+@=2(@+\B)

Tacé OA= AB=+/10 va OB =20 = AC~/2 nén tam gidc OAB la tam gidc vudng can tai
OA.OB

A . Vay dién tich tam gidc OA4AB 1a S = =5.

Vi du 12:Cho cac diém A(4;6), B(51), C(1;3). Tim toa d6 tdm va ban kinh duong tron ngoai tiép tam
giac ABC.

Loi gii.
I4* = IB®

Goi /(x;y) la tam dudng tron ngoai tiép tam gidc ABC,tacd IA=IB=IC < {IAZ I

1

_42 _ 2: _ 2 _12 _ _ X=——
Q{@c F o+ (r=6) =(x=5)"+(y-1) {zx loy=-26 _|*77%
—6x—18y =-42 5

2
Vay 1 —l S va ban kinh /4 = l ——6 =ﬂ.
2°2 2 2

Vi du 13:Cho tam gidc ABC c6 ba dinh A(-3;0), B(3;0), C(2;6). Tim toa d¢ trong tim G va tryc

tam H cua tam gidc.

Loi giai.
X, +x,+x. 2
TTT3 T3 2
Trong tam G co toa do . Vay G(—;2).
_ Yt VetVe 4 3
Yo = 3 =

Goi H (x;y) la tryc tim ta co

AHBC=0 [(x+3)(2-3)+(y-0)(6-0)=0 {_x+6y:3 x¥=2
. = = = 5.
BHAC=0 |(x-3)(-3-2)+(y-0)(0-6)=0  [-5x—6y=~I15 y==
5
Vay H|2;=|.
o 22)
Vi du 14:Cho ba diém A(3;4), B(2;1) va C(—1;—2). Tim diém M trén duong thang BC dé goc
AMB = 45"

Loi giai:

Gia st M (z;y) suyra MA(3—z;4—y), MB(2—z;1—y), BC(—3;—3)
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Vi AMB = 45° suy ra |0051ﬁ/[\B| = ‘cos(M—'A;B—C")‘

[MABC| 53 |-3(3—2)—3

_ (
& cos45” = |MA||BC’|<:) _\/(B—x) s

1—y)|
PV9+9

eNB-a) +(d—y) =le+y—7(

Mit khac M thudc duong thing BC nén hai vecto W, BC cung phuong

Suy ra 2_3$:1—3<:>x—y+1 thé vao (*) ta dugc

J2—y) +(4—y) =|2y—6| < y> —6y+8=0< y =2 hoic y =4

+Véiy=2=12=23,taco W(O;Z), W(—l;—l) = cosAMB = cos(ﬂ;m) = —%
Khi d6 AMB = 135" (khong thda mén)

+Véiy=4=2=5, FA(—Q;O), m(—?);—?)) — cos AMB = cos(ﬂ;ﬁ) =

-

Khi 6 AMB = 45°
Vay M(5;4).1a diém can tim.

BAI TAP TRAC NGHIEM. 1
Céu 1: Trong mit phiing Oxy, cho cic diém A(—4;2), B(2;4). Tinh d¢ dai 4B.

A. AB=2410.B. AB=4. C. AB=40. D. 4B=2.

Céu 2: Trong mit phiang Oxy, cho cic vécto sau: G =4/ —3; . Tim khing dinh ding

A.la/=5. B.|d=3. C. |a|=4. D. |¢|=7.

Céu 3: Trong h¢ truc toa d9 (0,7, ) cho cic vécto sau: G =4i —3/, b =2 . Trong cic ménh dé
sau tim ménh dé sai:

A.a=(4-3).B. [o|=+2.C.5=(0;2). D. [¢|=5

Cau4: Cho a =(-3;4), b =(4;3). Két luan nao sau day sai.

—_

A. |Z|:|5|.B.Eci1ngphu’ong b.C.a Lb. D. ab =0.

Céu 5: Cho a =(1; —2). Véi gia tri nao ciia y thi b =(-3; ) vudng goc véi a?

A. -6.B. 6. C. —2. D. 3.

2
Cau 6: Biét ring hai vecto ¢ va b khéng cung phwong nhung hai vecto 2a—3b va a+(x-1)b

cung phwong. Khi d6 gia tri caa x l1aA. %.B. —%. C.—%.D. %

Cau 7: Cho ba vecto Zz, Z;, ¢ théa min |Zz|:1,

13|=2,

21—13| —3. Tinh (5—213).(25+B).A. 6.
B. 8.C. 4. D. 0
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Cau 8: Trén mit phing toa dd Oxy, cho tam gidc 4BC biét 4(1;3), B(-2;-2), C(3;1). Tinh cosin

goc A cua tam giac.

A. cos A4 = LB cosd=—. C cosA——i D cosA——L
Cau 9: Cho a, b ¢6 (Zz+2 ) vuong goc véi vecto (Sa 4b) va | | |b| Khi dé:

A. cos(Zz,B) = % .B. cos(Zz,E) =90°.C. cos(a,z) = g D. cos(Zz,l;) = % J
Cau 10:Trong mat phéng toa do Oxy, cho ba diém A(3;—1), B(Z;IO), C(—4;2) Tinh tich v6 hudng
AB.AC
A. AB.AC =40 B. AB.AC =—40 C. AB.AC =26 D. AB.AC =-26
Loi giai
Chgn A
Taco AB=(-L11), AC=(-7;3).
Suyra AB.AC =(-1).(~7)+11.3=40
Trong mat phéng toa do Oxy, cho hai diém A (3;—1) va B (2; 10). Tinh tich v6 huéng A0.0B
A. AO.OB=—-4. B. A0.0B=0. C. A0.0B=4. D. A0.0B=16.
Loi giai
Chon C
Tacé AO=(-3;1), OB=(2;10).Suyra A0.0B=-3.2+1.10=4.

CAau 11: Trong hé toa dd Oxy, cho a = (2;5), b= (3;=7). Tinh goc gitra hai vécto avab.
A. 60°. B. 45°. C. 135°. D. 120°.
Loi gidi
Chon C.
~\ab 23+5(-7) 2

cos(ab | ||b| m\/%—4 5

Céu 12: Trong hé toa dd Oxy, cho ii =i +3; va v =(2;-1).Tinh uy.
A uv=-1. B. uv=1. C. uv=(2;-3). D. uv=>5V2.

— = (Zz,l;) =135°.aCaau

Céu 13: Trén mit phing toa d6 Oxy, cho tam gidc ABC bict A(1;3), B(-2;-2), C(3;1). Tinh cosin
goc A cua tam giac.

A. cosA:L B. cosA:L. C. cosA:—i. D. cosA=- !

Vi7° V17 V17 Vi7°
Loi gidi:
Chon B.
AB=(-3-5), AC=(2;-2).
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ABAC -32+52 1
AB.AC 3422 17
Cau 14: Tam giac ABC co A(1;2) , B(O;4) , C(3;1). Goc ER’ cua tam gidc ABC gﬁn véi gia tri nao
dudi day?
A. 90°. B. 36°52". C. 143°7". D. 53°7".
Loi giai

cos A= COS(ATB;TC) =

Chon C
Ta co E:(—lﬂ);R:(Z;—l).
— ABAC -2-2 -4
cos BAC =———= =—
|AB|.|AC| A58

— BAC =143°7".

CAu 15: Cho tam giac 4BC c¢6 A4(5;3), B(2;—1), C(~1;5). Tim toa do tryc tam H cua tam gidc ABC.

A. H(-3;2). B. H(-3;-2). C. H(3;2). D. H(3;-2).
Loi giai

Chon C.

G(_)iH(x;y) 1a toa do can tim.

Ta co:

AH =(x-5,y-3) __.__

_— (=57 ):AH.BC:0©—3x+6y—3:0(1).

BC =(~3;6)

BH =(x=2y+1) —

. C=20+) _ griae—o & —6x+2y+14=0 (2).

AC =(-6;2)

T (1) va (2) ta cd h¢ phuong trinh
—3x+6y=3 x=3
fe— .
—6x+2y=-14 y=2
Vay H(3;2) 1a toa do can tim.

Cau 16: Trong mat phing toa dd Oxy, cho OM = (-2-1), ON = (3;—1). Tinh goc (W,ﬁ]\?) .

A. —2 B. —Q. C. —135°. D. 135°.
2 2
Loi gidi
Chon D.

... OMON -23+(-1).(-1 .
Ta cd cos(OM,ON)zOM'ON— 3+( )( )z—L.Suyra (OM,ON)=135°.

OMON 5410 2

Céu 17: Trong mit phang toa dd Oxy, cho hai diém A4(2;-1) va B(-2;1). Tim diém M thudc tia Ox
sao cho tam giac ABM vuong tai M .

A. M(JE;O). B. M(\/E;o) va M(—\/E;o).

C. M(—\/E;O). D. M(—\/g;O)Vé M(\/E;O).
Loi giai

Chon A.

Goi M(m;O)er, (m>0).
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AM =(m-2;1), BM =(m+2;-1).
Tam giac ABM vudng tai M= AMBM =0 m*-4-1=0=m=+5. Vay M(\/E;O).

Céul 8: Trén mat phing toa dd Oxy, cho A(2;3), B(-21). Piém C thuge tia Ox sao cho tam gidc
ABC vudng tai C cotoadd la

A. C(3;0). B. C(-3;0). C. C(-10). D. C(2;0).

Lo giai

Chon C.

Taco: CeOx= C(x;0). Khido: AC=(x-2;-3) ; BC=(x+2;-1).

Tam giac ABC vudngtai C = AC L BC <> ACBC=0 < x> —4+3=0< x==1.

Vay C(-1:0) hodie C(1;0).
Cau 19: Trén mit phing tea d§ Oxy, cho A(L1), B(2;-2), M €Oy va MA=MB. Khi d6 toa dj

diém M 1a:A. (0;1). B. (-1).C. (,-1). D.(0;-1).

Cau 20: Trong hé tryc toa d0 Oxy, cho tam gisc ABC c¢6 A(1;3), B(-1;-1), C(1;1). Puong tron
ngoai tiép tam giac ABC c6 tam I(a;b). Gia tri a+b bang

A. 1. B. 0. C.2. D. 3.

Loi giai

Chon A.

Taco: IA=(a-L;b-3)= I4 =a’ +b*~2a—6b+10.

Ez(a+l;b+l):>132 =a’+b*+2a+2b+2.

IC=(a-Lb-1)= I =’ +b*-2a-2b+2.

Vi I 1a tam dudng tron ngoai tiép tam giac ABC nén:

IA=1IB 14*> = IB? a+2b=2 a=-2
= = = .
IC=1B IC? = IB? a+b=0 b=2

Vay a+b=1.

C. BAI TAP TRAC NGHIEM 2

Caul. Trongmp Oxy cho 4(4;6), B(1;4), C(7;%) . Khang dinh nao sau day sai

A.4B=(-3-2), TC:(&—%}. B.AB.AC=0.
C.|[4B|=+13. D.|R’|:g.

Loi giai
Chon D
Phuong 4n A: AB = (=3;-2), nén loai A.

Phuong an B: AB.AC =0 nén loai B.
. B n C TR 9
Phuong én C : ‘AB‘ = \/ﬁ nén loai C. 4AC = (3;—Ej
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Cau 3.

Cau 5.

Cau 6.

2
Phuong 4n D: Ta c6 BC = (6;—%) suy ra BC =, /62 +(§) = %nén chon D.

Cho a va b 1a hai vecto cung hudéng va déu khac vecto 0. Trong cac két qua sau ddy, hiy

chon két qua dung:
A.ab=|a|[p|. B.ah=0. C.ab=-1. D.ab=-|a| 5.
Loi giai
Chon A
Ta thiy vé trai ctia 4 phuong an giéng nhau.
Bai toan cho a va b 1a hai vecto cing huéng va déu khac vecto 0 suy ra (Zz,l;) =0
Do d6 a.b = |Zz|.|l;|.cos 0° = |Zz|.|l3| nén chon A
Cho céc vecto a = (1,-2), b= (—2;-6). Khi do goc gifra chung 1a
A.45°. B. 60°. C. 30°. D. 135°.
Loi gidi
Chon A
- - - b 10 xﬁ - -
Taco a=(1;-2), b=(-2;-6), suyra cos ab a. =(a;b)=45°.
Cho OM = (-2;-1), ON = (3;-1). Tinh goc cua (OM,ON)
A.135°. B. —Q. C. —135°. D. ﬁ
2 2
Loi giai
Chon A
OMON -5 N2
Ta cd cos{OM, ON — =(OM,ON)=135°.
() w2 = Y)
Trong mit phing Oxy cho a = (1;3), b= (—2;1). Tich v6 hudng ctia 2 vecto ab la:
A. 1. B. 2. C.3. D. 4.
Loi gidi

Chon A
Ta co Zl=(1;3),l;:(—2;1), suy ra a.b =1.(—2)+3.1:1.

Cap vecto nao sau day vuong goc?

A.a=(2-1) va b=(-3;4). B. a=(3;-4) va b=(-3;4)
C.a=(-2-3) va b=(-64). D. a=(7;-3) va b=(3;-7)
Loi giai

Chon C

Phuong an A: 21.1322.(—3)+(—1).4:—10¢0 suy ra A sai.

Phuong 4n B: a.b =3.(-3)+(-4).4#0 suyra B sai.

Phuong 4n C: a.b=-2.(-6)-3.4=0=a L b suyra C dung.

Phuong 4n D: &.13=7.3+(—3).(—7)=42¢0 suy ra D sai.

Cho 2 vec to a = (a;a,), b= (b;b,), tim biéu thirc sai:

A.Ez.l;=al.b1 +a,.b,. B.Zz.l;=|21|.|l;|.cos(5,l;).

C.ab=3| o +b ~(a+b) | D.ab= (a+5) -a*-5 .
2 2
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Loi giai
Chon C
Phuong én A : biéu thirc toa d¢ tich vo huéng a.b = a, b, +a, b, nén loai A

Phuong 4n B : Cong thuc tich vo hudng cia hai véc to a.b =

al.lp .cos(Zz,lS) nén loai B
Phuong an C: %[?+?—(&+5)2} :%[?Jr?—(?ﬁtﬁﬁtﬁg)} =—ab nén chon C.

Cho tam giac ABC ¢6 A(1;2), B(-11), C(5;—1).Tinh cos 4

2 -1 1 -2
A—. B.—. C.—. D.—.
J5 J5 J5 J5

Loi giai

Chon B

Ta co AB :(—2;—1), R‘z(4;—3) suy ra

cos 4 ABAC _ ( 2)4+( 1).(-3) =

AB.AC \/ \/42 3y “5vs 5

Trong mit phing Oxy cho A(—l,—l), B(3,1) , C(6;0). Khang dinh nao sau ddy dung.

A.AB=(-4,-2), AC=(1;7). B.B=135". C.[4B|=20. D.|BC|-
Loi giai

Chon B

Phuong an A: do AB = (4;2)nén loai A

Phuong én B:

Ta co AB =(4;2) suy ra |E| =20, BA =(-4-2);

R’:(3;—1)3BC=\/E.COSB ij;g \/;1\(;_ \7_ B=135nén chon B.

Trong mit phang (O;f, }) cho 2 vecto : @ =3i+ 6] va b=8i— 4]. Két luan nao sau day sai?

A.ab=0. B.alb. C.|a|jp|=0. D.[a.|=0
Loi giai

Chon C

=(3;6);b=(8;—4)

Phuong 4n A:ab=24—-24=0 nénloai A
Phuong 4n B: ab=0 suy ra a vudng goc bnénloai B

Phuong 4n C: ‘ZIHE‘ =32 +6°4/8 +(—4)2 =0 nén chon C.

Trong mit phang Oxy cho A(1;2), B(4;1),C(5:4). Tinh BAC ?

A.60°. B.45°. C.90°. D.120°.
Loi giai
Chon B
Ta co AB = (3;—1), AC = (4;2) suy ra
—— . ABAC 10 N2
AB; AC)= = =2 (4B, AC)=45°.
cos{ )= "i5c Ji020 2 =( )

Cho céc vecto a = (1,-3), b= (2;5). Tinh tich vd huéng cua 21(21 + 25)

A.16. B.26. C.36. D.-16.
Loi giai

Trang 12/9



Chgon D
Tacé aa=10, ab=—-13 suyra Zz(Zz+2l3)=—l6.
Cau 13. Cho hai diém A4(-3,2), B(4,3). Tim diém M thudc truc Ox va c6 hoanh do duwong dé tam
giac MAB vuong tai M
A.M(7;0). B. M (5;0). C. M (3;0). D. M (9;0).
Loi gidi
Chon C
Taco 4(-3,2), B(4,3), goi M (x;0),x>0.Khido AM =(x+3;-2), BM =(x—4;-3).

S =-2(I
Theo YCBT AM.BM =0 x’ —x—6=0=>|" ():>M(3;0).

x=3
Cau 14. Cho 4(2;5),B(1;3),C(5;~1). Tim toa d¢ diém K sao cho AK =3BC +2CK
A.K(45). B.K(—45). C.K (4:-5). D. K (—4;-5)
Loi giai
Chon B

Goi K (x;y) voi x,yeR.

Khi d6 AK =(x-2;y-5), 3BC =(12;-12), 2CK =(2x-10;2y +2).

x—2=12+2x-10 x=-4
=

y=5=-12+2y+2 y=5

Céu 15. Trong mit phang Oxy, cho &:(2;—1) va Ez(—3;4). Khiang dinh nao sau déy 1 sai?

Theo YCBT 4K =3BC+2CK nén { = K (-45).

A.Tich vb huéng cua hai vecto dd cho 1a —10. B.D¢ 16n cua vecto a 1a J5.

C.D6 16n ctia vecto b 13 5. D.Goc gitra hai vecto 1a 90°.
Loi giai
Chon D

Ta co6 |Zz|=1/22 +(—1)2 =+/5 nén B ding.
b= (-3)" +4° =5 nén C diing.

ab=2.(-3)+(~1).4=-10#0 nén A dung, D sai.
Cau16. Cho tam gidc ABC co A(1;2), B(~1;1), C(5-1).Tinh 4B.AC
A7, B.5. C.-7. D.-5.
Loi gidi
Chgon D
Taco AB.AC =(-2).4+(-1).(-3)=-5.

Céu 17. Trong mit phang Oxy cho A(-L1), B(1;3), C(1;—1). Khang dinh nao sau day dung.

A.AB=(4;2), BC =(2;-4). B. 4B L BC.

C. Tam gidc ABC vuong can tai 4. D. Tam gidc ABC vudng can tai B.
Loi giai

Chon C

Phuong an A: do AB = (2;2) nén loai A.

Phuong an B: 4B =(2;2),BC =(0;—4), AB.BC = -8 suy ra AB khong vudng goc BC nén loai
B.

Phuong an C : Ta co ﬁ:(2;2), R':(2;—2), FC=(0;—4), suy ra AB:AC:\/g,

AB.AC =0 Nén Tam gidc ABC vuong céan tai 4.Do dé chon C.
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Cau 18. Cho a=(1;-2), b=(~1;-3). Tinh (a,b).
A. Zz,l})=120°. B.(a,5)=135°. C.(5,5)=45°. D.(&,B)=90°.
Loi giai
Chon C
ab L(-1)+(-2).(-3) 5 1 -
_ 40 _ - =—=(a,b)=45.
T T RTET N
Cau 19. Cho hai diém A(2,2), B(5,-2). Tim M tréntia Ox sao cho AMB = 90°
A.M(1,6). B. M (6,0). C.M(1,0) hay M (6,0).  D.M(0,1).
Loi giai

Ta co cos(a,b

Chon C

Goi M(x;0), v6i xeR. Khi d6 AM =(x-2;-2),BM =(x-5;2). Theo YCBT ta co

R , x=1=M(10)

AM BM =0 & (x-2)(x-5)-4=x"-Tx+6=0= ,nén chon C.
x=6=M(6,0)

Cau 20: Trén mit phang Oxy, cho tam gidc ABC c6 A(-1;2), B(-5;4) va C(2;4). Tim toa do chan

duong cao H dungtir C cia aA4BC.

A. H(é,éj B. H(—g;—g). H[—E;—gj. D. H(é,éj
55 55 5 5 55

Loi giai

Goi H(a;b).

Taco: CH =(a—2;b—4); AB=(-4;2).

Ma: CH L AB nén CH.AB=0.

= (—4).(a-2)+2.(b—4)=0

= -4a+2b=0=b=2a (1)

Ta co: E:(a+l;b—2).

Vi H € AB nén AH; AB cung phuong, do do ta c6 hé thuc:

a+l b-2
4 2
a2 =a+l=-2b+4 (2)
a3
Tu (l) va (2) suy ra: > . Vay H(E,gj
,_6 5’5

5
Cau 21: Trong mit phang toa dd Oxy, cho tam gidc ABC c6 A(-3;0), B(3;0)va C(2;6).Goi H (a;b)1a
truc tAm cua tam giac da cho. Tinh a —6b
A 3. B.-3. C.7. D. -7.
Loi giai
Goi H (a;b) 1a tryc tdm ctia tam gidc da cho. Ta ¢6
AH =(a+3;b),BC =(~1;6), BH =(a-3;b),AC =(5;6)

Vi H la tryc tam tam giac ABC nén:
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a=

AH 1 BC AHBC=0 —a-3+6b=0 —a+6b=73
R = = =
BH 1 AC BHAC =0 54—15+6b=0 Sa+6b=15 b=

AN N

Suyra a—-6b=-3.

Cau22: Trong mit phang toa dd Oxy, cho hai diéem A(1;—1) va B(3;2). Tim M thudc truc tung
sao cho MA®> + MB? nho nhat.

A. M(0;1). B. M (0;-1). C. M(O;%j. D. M(o;—%j.
Loi gidi
Chon C
m:(l;—l—m)
Tacd M €Oy nén M (O;m) va < ___ .
MB =(3;2—m)

Khi d6 M + MB* =[MA| +[MB[ =1 +(-1-m)’ +3* +(2-m)’ =2m* ~2m+15.

2
:2(111—1] +§2§; Vm e R.
2 2 2

2 .
Suy ra MA* + MB*! =—9. Dau "=" x4y ra khi va chi khi m=l—>M 0;l .
min 2 2 2

Céu 23: Trong hé toa dd Oxy, cho hai diém A(2;-3), B(3;—4). Tim toa do diém M trén truc

hoanh sao cho chu vi tam gidc AMB nho nhat.
A. M(g;o) B. M (40). C. M(3;0). D. M(—;Oj.

Loi gidi
Chon D
Cach 1: Do M trén tryc hoanh = M (x;0), AB =(L,-1) = 4B =2.

W:(x—Z;fS), W:(x—3;4)
P =J§+\/(x—2)2 +32 +\/(x—3)2 + 47

V2 (x=2) + 3 (B-x) + 4 22 (x—2+3—x) +(3+4)

Ta c6 chu vi tam gidc AMB :

3—-x 4
Cach 2: Lay dbi xtmg 4 qua Ox ta duge A'(2;3). Tacd MA+MB=MA'+MB> A'B.

Dau bang xay rakhi M tring véi giao diém ciia A'B voi Ox .

s —2 3 !
<:>PABM26\/5.Df?luba'lngxélyrakhix :—<:>x:77:>M(177;0j_

Ciu 24: Cho M (-1;-2), N(3;2), P(4;—1). Tim E trén Ox sao cho ‘W+ﬁ+ﬁ" nhd

nhét.

A. E(40). B. E(3;0). C. E(1,0). D. E(2;0).
Loi gidi

Chon D

Do EeOx = E(a;0).
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Ta co: W:(—l—a;—2); E]V:(?’—a;Z); ﬁ:(4—a;—1)
Suy ra W+ﬁ+ﬁ’:(6—3a;—l).

Do d6: |EM + EN + EP| = \[(6-3a)’ +(-1)’ = /(6-3a) +1>1.

Gia tri nho nhét cia ‘W +EN+ FP‘ béng 1.
Dau “=" xay ra khi va chi khi 6-3a=0 <a=2.
Vay E(2;0).
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Chuyén dé: PHUONG PHAP TQA PQ TRONG MAT PHANG
Chii dé: PHUONG TRINH PUONG THANG
A. TOM TAT LY THUYET
1. Vecto chi phwong

Vecto ; = 6duqc goi 12 vecto chi phuong (VTCP) ctia dudng thang A néu gia ctia no song
song hodc trung véi A.
Nhan xét : Néu u 1 VTCP ciia A thi ku(k = 0) ciing la VTCP ciia A.
2. Phwong trinh tham sé ciia dwong thang
Cho dudng thang A di qua M, o(@3y,) va w = (a;b) 1a VTCP. Khi d6 phuong trinh tham s cta
dudng thing c6 dang:
r=1x,+al L e R
y =y, +0t
Nhianxét: A € A & Az, + at;y, + bt)
3. Phuwong trinh chinh tic ciia dwdng thing
Cho duong thang A di qua M, (z,;y,) va u = (a;b) (v6i a = 0, b = 0)1a VTCP. Khi d6
phuong trinh chinh tic cua duong thang c6 dang:

=T Y=Y

a b
4. Vecto phap tuyén ciia dwong thing
Vecto ;; = 6 goi 12 vecto phap tuyén (VTPT) cia A néu gia ciia nd vudng goc véi A.
Nhan xét : Néu n 1a VIPT cia A thi kn(k = 0) cling 1a VTPT cita A.
5. Phwong trinh tong quat ciia dwong thang
Cho duong thang A di qua M o(@3y,) vaco VIPT n = (a;b) . Khi d6 phuong trinh tong quat
cua dudng thang c6 dang: a(z —z,) + by —y,) = 0 < ax +by + ¢ = 0(c = —az, — by,)
Chuy:
_Néu duong thing A taz + by + ¢ = 0 thi n = (a;b) 1a VIPT ciia A.
6. Cac dang dic biét ciia phwong trinh tong quat
A song song hodc trung voi truc Ox < A : by +c¢c =0
A song song hodc trung voitruc Oy < A:ax +c¢c =0
A diquagéctoadé < Atar+by=0

A di qua hai diém A(a;O), B(O;b) AW §+% =1 vé6i <ab = 0)

Phuong trinh dudng thang c6 hé s6 goc k 13 y = kz + m véi k = tana, « 1a goc hop bdi tia
Mt cia A & phia trén truc Oz vatia Mz ( M 1a giao diém cua A va Ox).

7. Lién hé giira VTCP va VTPT

VTPT vi VTCP vudng goc voi nhau. Do d6 néu A ¢6 VICP u = (a;b) thi n = (—b;a) 12 mot
VTPT cta A.

B. DANG TOAN
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I. Phuong trinh tong quat ciia dwong thing
1. Dang 1. X4c dinh vecto phap tuyén ciia dwong thing
- Kiém tra diém thudc duwong thing

Phwong phip: A saz + by + ¢ = 0 thi n = (a;b) 13 VTPT ctia A.

Vi du : Trong mit phang Oxy cho dudng thing A:2x—y+1=0.
a) Chi ra mot vecto phap tuyén cua A

b) Tim diém trén A c6 hoanh d6 bang 1

¢) Tim diém trén A c6 tung do bang —2

d) Trong cac diém sau, diém nao thudc niam trén dudng thing A?

1
A(m),B(E;zj .
Loi giai
a)Mot vecto phap tuyén cia A 1a n=(2;-1)
b) Thé x =1 vao phuong trinh ctia duong thiang A ta dugc 2.1—y+1=0= y=3.

Vay diém can tim 1a (1;3)

¢) Thé y = -2 vao phuong trinh ctia dudng thing A ta duge 2.x—(-2)+1=0=x= —%.

. 3
Vay diém can tim 1a (—E;—Z)

d) Thé x=1;y =1 vao phuong trinh ctia dudng thang A ta dugc 2.1—-1+1=0< 2 =0( khong
thoa man)
Vay Ae¢ A
. 1 .
Thé x= E;y =2 vao phuong trinh cua duong thang A ta dugc 2%— 2+1=0< 0=0(thoa
man)
Vay BeA
Bai tap trac nghiém
Cau 1: Vecto phap tuyén cua duong thang 2x—3y+6=0 1a :

A. n, =(2-3)B.n, =(2;3)C. n, =(3;2) D. n, =(-3;2)

Céu 2 : Vecto nao duéi day 1a mot vecto phép tuyén cia dudng thing di qua hai diém A(2;3)
va B(4;1)?

Al ”71:(2;_2)' B. ’72:(2;_1)' C. ;3.:(1;1)' D. ’74=(1;_2)'

Cau 3: Vecto phap tuyén cua duong thing 2x—3y+6=0 1a:

A n,=(2-3) B.n, =(2;3) C. n, =(3;2) D.
n=(-32)

Cau 4: Cho duong thing d c6 phuong trinh: 2x- y+5 =0. Tim 1 VTPT cua.

A.(Z;l) B (2;-1) C'(1;2) D'(l;—Z)

Cau 5: Puong thang 51x — 30y + 11 = 0 di qua diém nao sau day ?
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) M) ) el

Céu 6: Puong thing 12x — 7y + 5= 0 khong di qua diém nao sau day?

A.(-1;-1). B.(l;%) c.(—%;oj. D.(L1).

2. Dang 2. Lap phwong trinh tong quat ciia duwong thang

2.1 Lap phwong trinh tong quat ciia dwong thing di qua mot diém va c6 vecto chi phwong
hoic phap tuyén cho truéde

Vi du: Lap phuong trinh tong quét ctia duong thang A biét

a) A di qua 4(~12), nhan n=(2;-4) lam vecto phap tuyén.

b) A di qua B(4;-2), va c6 mdt vecto chi phuong u =(2;-1).

, : 1
¢) A diqua M (3;1), va c6 hé s6 goc k=—3

d) A 14n luot 1a céc truc toa do

Loi gidi
a)Phuong trinh duong thing A can tim 1a: 2(x+l)—4(y—2) =0 x-2y+5=0.
b) Vecto chi phuong ciia A 13 u =(2;-1). Do d6 A ¢6 mot vecto phap tuyén la n = (1;2)
Phuong trinh duong thing A: 1(x—4)+2(y+2)=0< x+2y =0

1
c¢) Phuong trinh A c6 dang: y:k(x—x0)+yo <:>y=—§(x—3)+l©x+3y—4=0.

d) Truc Ox di qua gbc toa &6 O(0;0) vanhan j = (0;1) 1am mét vecto phap tuyén nén c6 phuong
trinh la

0(x—=0)+1(y-0)=0<y=0

Truc Oy di qua gbc toa dd O(0;0) va nhan i =(1;0) 1am mot vecto phap tuyén nén c6 phuong
trinh la

1(x—0)+0(y—0)=0<:> x=0

Bai tap trac nghiém

Cau 1: Phuong trinh dudng thing di qua A( 5;-9) va ¢ mot vecto phap tuyén n = (2;1)1a:
A2x+y—-1=0 B.2x+y+1=0 C.x+2y+2=0 D.x+2y-2=0

Cau 2: Phuong trinh dudng thing di qua A( 3;1) va c6 mot vecto phéap tuyén n = (4;5)1a:
A.4x+5y—17=0 B.4x—5y+17=0 C.4x+5y+17=0 D.4x-5y—-17=0.
Cau 3: Phuong trinh tong quat cua duong thang di qua A(2;-1) va c6 mdt vecto phap tuyén
n=(2;0)1a:

Ax+y—-1=0. B.2x-7y+9=0. C.x+2=0. D.x-2=0.

Céu 4: Phuong trinh téng quat ciia duong thang di qua A(3;-7) va c6 mot vecto phap tuyén
n=(0;2)la:

A.y-7=0. B.y+7=0. C.x+y+4=0. D.x+y+6=0.
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Céu 5: Duong thang di qua diém C(3;-2) va c6 hé s6 goc k :§ c6 phuong trinh 13

A. 2x+3y=0. B. 2x-3y-9=0. C.3x-2y-13=0. D.
2x-3y-12=0.

Loi giai
Chon D.

. 2
Phuong trinh hé s6 goc: y =k(x—x,)+, c>y=§(x—3)—2 &2x-3y-12=0.

Cau 6: Duong thing di qua diém B(2;1) va nhan u =(1;—1) 1am vécto chi phuong c6 phuong

trinh 1a
A. x-y—-1=0. B. x+y-3=0. C.x—y+5=0. D.
x+y-1=0.
Loi giai
Chon B.

Duong thing di qua diém B(2;1) va nhan u =(1;—1) 1am vécto chi phuong = n=(1;1) lam
vécto phéap tuyén c6 phuong trinh 1a (x—2)+(y-1)=0 < x+y-3=0.
2.2 Lap phuong trinh tong quat ciia dwong thing di qua hai diém cho truéc
Vi du: Trong mit phang véi hé toa dd Oxy cho hai diém 4(0;—1), B(3;0).Viét phuong trinh
tong quat ctia duong thing AB
Loi giai
Ta c6 AB=(3;1) 1a vécto chi phuong ciia dudng thing AB. Do d6 n=(1;-3) la vécto phap
tuyén cua duong thang 4B .
Phuong trinh tong quat duong thing 4B 1a 1(x—0)-3 (y + 1) =0 x-3y-3=0.
Bai tap trac nghiém
Céu 1: Phuong trinh dudng thang di qua hai diem A(-2;4), B(-6;1) la

A. 3x+4y-10=0. B.3x-4y+22=0. C.3x-4y+8=0. D.
3x—4y-22=0.

Loi giai
Chon B.

Taco AB=(—4;-3).

Puong thing 4B qua diém A4(-2;4) vanhan 1 VIPT 1a n=(3;~ 4) nén c6 phuong trinh:
3(x+2)-4(y-4)=0 <3x-4y+22=0.

Cau 2: Trong mit phang Oxy cho hai diém 4 (1;—3) , B (—2; 5) . Viét phuong trinh tong quat cua
duong thiang di qua hai diém 4, B.

A. 8x+3y+1=0. B. 8x+3y—-1=0. C. 3x+8y-30=0. D.
—-3x+8y+30=0.

Loi gidi
Chon A.

Tacé AB=(-3;8)la vecto chi phuong clia dudng thing di qua hai diém 4, B.
= 7i =(8;3) 1a vecto phap tuyén cia duong thang di qua hai diém 4, B.
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Phuong trinh tong quat dudng thiang can tim la

8(x—1)+3(y+3)=0 < 8x+3y+1=0.

Cau 3: Phuong trinh tong quat cua duong thang di qua 4(3;-1), B(L;5) 1a:
A—x+3y+6=0. B.3x—y+10=0. C.3x—y+6=0.  D.3x+y—8=0.
Ciu 4: Phuong trinh tong quat ctia dudng thang di qua 4(2;-1), B(2;5) 1a:

A.x+y-1=0. B.2x-7y+9=0. C.x+2=0. D.x-2=0.
Céu 5: Phuong trinh tong quét ciia dudng thang di qua A(3;-7), B(1;-7) la:
A.y-7=0. B.y+7=0. C.x+y+4=0. D.x+y+6=0.

Céu 6: Viét phuong trinh duong thing qua giao diém cta hai dudng thing d:2x—y+5=0 va
d,:3x+2y-3=0 vadiquadiém 4(-3;-2).
A.5x+2y+11=0. B.x-y-3=0. C.5x—2y+11=0  .2x-5y+11=0.

2.3 Phuong trinh cic dwong thing dic biét trong tam giac

Vi dy 1: Cho tam giac ABC vé6i A(2;-1), B(4;5), C(-3;2). Lap phuong trinh tong quat cua:
a. Ba duong thang AB, BC, AC.

b. Puong trung truc canh AB.

c. Puong cao AH va dudng trung tuyén AM ctia tam giac ABC.

Loi giai:

Puong thing AB qua A(2;—1) vanhin AB = (2; 6) lam vecto chi phuong

=AB nhan n = (3; — 1) 1am vecto phap tuyén

Phuong trinh tong quat ciia dudng thang AB 1a: 3(x—2) —l(y + 1) =03x-y-7=0
Duong thang AC qua 4(2;-1) vanhan AC =(-5;3)1am vecto chi phuong

=AC nhan n= (3;5) lam vecto phap tuyén

Phuong trinh tong quét ciia duong thang AC 1a: 3(x—2)+5 (y + 1) =0 3x+5y-1=0
Duong thang BC qua B(4;5) vanhan BC = (-7;—3)lam vecto chi phuong

= BC nhén n = (3;— 7)1am vecto phap tuyén

Phuong trinh tong quat cua duong thang BC la: 3(x—4) — 7(y — 5) =0<3x-7y+23=0

b. Puong trung truc canh AB

Goi I 1a trung diém cua AB, ta co I(ZL;; _12+ 5) = 1(3;2).

Goi d la duong trung truc cua canh AB
Vi dLAB nén d nhan 4B = (2; 6) 1am vecto phéap tuyén.

Duong thing d di qua 1(3;2). va ¢6 vecto phap tuyén la 4B =(2;6) nén c6 phuong trinh tong
quat la 2(x—3)+6(y—2) =0 2x+6y-18=0<x+3y-9=0.
c. Phuong trinh duong cao AH va duong trung tuyén AM cua tam giac ABC.
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Ta ¢6 AHLBC nén AH nhan BC = (—7; —3) lam vecto phap tuyén va AH di qua A(2;—1) nén
phuong trinh tong quat cua AH la
—7(x—2)—3(y+1)=O<:>—7x—3y+11:0c> Tx+3y—11=0.

AM 14 trung tuyén clia tam gidc nén M 14 trung diém ctia BC

SENE= A NINA
2 2 22

Puong thaing AM di qua 4 (2;—1) vanhan AM = [—%,%) lam vecto chi phuong

=AM nhan 7 =(3;1)1am vecto phap tuyén

Phuong trinh tong quéat cia AM 1a: 3(x—2) +(y + l) =0 3x+y-5=0.

Vi du 2: Trong mit phing toa do, cho tam gidc ABC c6 A(1;2),B(3;0) va C(-2;-1).
a) Lap phuong trinh duong cao ké tur 4.
b) Lap phuong trinh duong trung tuyén ké tir B.

Loi giai

M

a) Lap phuong trinh dudong cao ké tir A4.

Pudng cao ké tir 4 di qua A(1;2) vanhan CB = (5:1) 1a vecto phap tuyén c6 phuong trinh 1a
Sx+y-T7=0.

b) Lap phuong trinh duong trung tuyén ké tir B.

Goi M la trung diém cua AC thi M[—%;%).

Puong trung tuyén ké tir B nhan MB = (%, —%) 1a vecto chi phuong nén ¢ vecto phap tuyén

1a n=(1;7) vadiqua B(3;0) nén c6 phuong trinh la: x+7y-3=0.
Bai tip tric nghiém
Cau 1: Cho tam gidc ABC véi A(2;4); B(21); C(5;0). Trung tuyén CM di qua diém nao

duéi day?

A. (14;%). B. (10;—%). C. (-7;-6). D. (-15).
Loi giai

Chon D.

M 1a trung diém ciia ABnén M (2;%}; W[—&%).
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x=5-3¢

Phuong trinh tham s ciia duong thang CM 1a 5
=t
4 2
. x=-1
Véi ¢ =2 thi {
y=5>

Cau 2: Cho A(—2;3) , B (4;—1). Viét phuong trinh duong trung truc ciia doan 4B .
A. x+y+1=0.B. 2x+3y-5=0.C. 3x-2y—-1=0.D. 2x-3y+1=0.
Loi giai
Chon C.
Goi M la trung diém AB = M (L;1).
Cau 3: Cho tam giac ABC véi A(2;—1), B(4;5) , C(—3;2). Phuong trinh tong quét ctia duong

cao di qua diém A cua tam gidc ABC la

A. 3x+7y+1=0. B. 3x+7y+13=0. C.7x+3y+13=0. D.
Tx+3y—-11=0.

Loi gidi
Chon D.

BC = (-7;-3)=—(7;3) = "= (7;3) 1a mot véc to phap tuyén ciia dudng cao qua 4.
Vay phuong trinh téng quét ctia duong cao qua A 1a 7x+3y—11=0.

Phuong trinh dudng trung truc ciia doan 4B qua M (1;1) nhan 4B = (6;—4) 1a vecto phap
tuyén c6 dang: 6(x—1)-4(y-1)=0 < 3x-2y—-1=0.

Cau 4: Trong mdt phang v6i hé toa dd Oxy cho A4ABC c6 A(1;2), B(4;-2), C(-3;5). Mot

vécto chi phuong cua duong phan giac trong cua goc A4 la

Ao u=(21). B. u=(L;-1). C.u=(L;1). D. u=(12).
Loi giai

Chon C.

Taco AB=(3;-4), AC =(-4;3) = [4B|=|AC

,suy ra AABC la tam gidc cin tai 4.

Goi M 1a trung diém ciia BC khi d6 AM 14 vécto chi phuong ciua duong phan giac trong cta

goc A.
4+ (-
g =t o LAGE) I .
_y5'+yc _ + _ =
Ym B Yy >
Suy ra AM = —l;—l .
22

Vay mét vécto chi phuong ciia duong phan gidc trong clia goc 4 c6 dang u =(1;1).
Cau 5: Cho hai diém A(l;— 4) , B (3; 2) . Viét phuong trinh tong quat ciia duong thang trung truc
ctia doan thang AB.
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A. 3x+y+1=0. B. x+3y+1=0. C.3x-y+4=0. D.
x+y-1=0.

Loi giai
Chon B.
%, = X, + X,
. \ 2, 2 Xy =2
Goi M la trung diém cua AB = :>{ :>M(2;—1).
_Yat Vs Yy =1
Yu = >

q VIPT AB=(2;6)
Phuong trinh duong trung truc cuia doan thang 4B .
di qua M(2;—1)
PTTQ: 2(x—2)+6(y+l):0 < x+3y+1=0.
Cau 6: Cho hai diém A(L;1), B(0;—2), C(4;2). Phuong trinh tong quat ctia duong trung tuyén

di qua diém A4 cua tam giac ABC la

A. 2x+y—-3=0. B. x+2y-3=0. C.x+y-2=0. D. x—-y=0.
Loi giai
Chon C.
X+ X,

. \ 2, u = 2 Xy =2
Goi M la trung diém cua canh BC = = 0 =M (2;0) .

Taco AM =(1;-1) = n,,, =(L1).
. . Z VTPT m = (1;1)
Phuong trinh duong trung tuyén AM : .
di qua A(l;l)
PTTQ: x+y—-2=0.
Cau 7: Cho tam gidc ABC véi A(L;1), B(0;—2), C(4;2). Phuong trinh tong quét cia dudng

trung tuyén di qua diém B cia tam gidc ABC 1a

A. 7x+7y+14=0. B. 5x-3y+1=0. C.3x+y-2=0. D.
=7x+5y+10=0.
Loi giai

Chon D.

x, =Xatxe 3 <
Goi M 1a trung diém cua canh AC = 2 = 2 :M(—;—j.

Vit ye 3 22
Yu = ) yM_E

Ta c6 W:(g,%j = 1y, =(7,-5).

VIPT n,, =(7;-5)
di qua B(O;—Z) '
PTTQ: 7x-5y-10=0 < -7x+5y+10=0.

Phuong trinh dudng trung tuyén BM : {
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Cau 8: Cho tam gidc ABC v6i A(2;-1), B(4;5), C(=3;2). Phuong trinh tong quét cia dudng

cao di qua diém A cta tam giac 4BC 1a

A. 3x+7y+1=0. B. 3x+7y+13=0. C.7x+3y+13=0. D.
7x+3y—-11=0.

Loi gidi
Chon D.

BC =(-7;-3)=—(7;3) = n =(7;3) la mot véc to phap tuyén clia dudng cao qua 4.
Vay phuong trinh tong quat ctia duong cao qua 4 1a 7x+3y—11=0.
Cau 9: Trong mp(Oxy), cho tam giac ABC v6i A(2;6), B(-3;—4) va C(5;1). Tim toa do

truc tam H cua tam gidc ABC.
A. H _ﬂ;_l_O .B. H ﬂ;—2 .C. H ﬂ,m .D. H —ﬂ;l—O .
11 11 11" 11 1111 1111

Loi giai
Chon C.
Phuong trinh dudng thing di qua B (—3; - 4) vanhan AC = (3;— 5) lam VTPT c6 dang:
3(x+3)—5(y+4)=0 < 3x-5y-11=0.
Phuong trinh duong thang di qua 4 (2; 6) va nhan BC = (8; 5) lam VTPT c6 dang:
8(x—2)+5(y-6)=0 <8x+5y—46=0.

57

3x-5y=11 1
= .

8x+5y =46 _10
11

Suy ra toa do H thoa man hé phuong trinh: {

Vay H (ﬂ,ﬂj 14 toa dd can tim.
1111
2.4 Lap phuwong trinh tdng quat ciia dwong thing di qua mét diém song song hoic vudng
goc voi dwong thang cho truéce
Vi du 1: Viét phuong trinh tong quat ctia dudng thing d:
a. Pi qua diém A(2; 3) va song song voi dudng thing dy: x + 3y +2 =0;
b. i qua diém B(4; - 1) va vudng goc v6i dudng thang ds: 3x -y + 1 =0.
Huéng din gidi:
a. Vi d song song véi da: x + 3y +2 = 0;nén d nhan n” = (1; 3) 1 vecto phép tuyén.
Phuong trinh tong quat ctia duong thang d di qua diém A(2; 3) va nhan n” = (1; 3) 13 vecto phap
tuyénla: (x-2)+3(y-3)=0&x+3y-11=0
b. Vi d vudng goc véi ds: 3x -y + 1 =0.nén d nhan n” = (1; 3) 14 vecto phép tuyén.
Phuong trinh tong quat cua dudng thang d di qua diém B(4; -1) va nhann” = (1; 3) 1a vecto
phap tuyénla: (x-4)+3(y +)=0ox+3y-1=0

Vi du 2: Cho 3 duodng thing d,:3x—2y+5=0, d,:2x+4y—7=0, d,: 3x+4y—1=0. Viét
phuong trinh duong thang d di qua giao diém cua d,,d, vasongsong vdi d, .

Loi giai
Toa d6 giao diém M cua d, va d, la nghiém cta h¢
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3x—2y=-5 -
Y Rt 8:>M —é;2 .
2x+4y =17 y_31

16

Phuong trinh tong quat cuadudng thing d song song véi d, qua M (—%,%) la:

3[x+§)+4[y—%j20 <:>3x+4y—§20<:>24x+32y—53=0.

Bai tap tric nghiém
Cau 1: Trong mit phing véi hé toa 4o Oxy cho duong thing d :x—2y+1=0 vadiém M (2;3).

Phuong trinh duong thing A di qua diém M va vudng goc v6i duong thang d 1a

A. x+2y-8=0. B. x-2y+4=0. C.2x-y-1=0. D.
2x+y-7=0.

Loi giai
Chon D.

A vuodng goc d:x—-2y+1=0=A c6 VIPT la 71=(2;1).
A qua M(2;3) nén c6 phuong trinh 1a 2(x—2)+(y—3)=0<:>2x+y—7:0.

Céau 2: Trong mit phiang Oxy, cho duong thang d : x—2y+1=0. Néu duong thing A qua diém
M (1;—1) va A song song véi d thi A c6 phuong trinh

A. x-2y+3=0. B. x-2y-3=0. C.x-2y+5=0. D.
x+2y+1=0.

Loi giai
Chon B.

Puong thing d ¢6 1 vecto phap tuyén 1a n = (,-2).

Dudng thang A di qua diém M (1;—1) va A song song v6i d nén A nhén n= (1,-2)1am vecto
phap tuyén.

Phuong trinh tong quat ctia dudng thang A 1a (x—l)—2(y+1) =0 x-2y-3=0.

Ciu 3: Lap phuong trinh tong quat duong thang di qua diém A(Z;I) va song song vdi duong
thang 2x+3y—2=0.

A.3x+2y-8=0. B. 2x+3y-7=0. C.3x-2y-4=0. D.
2x+3y+7=0.

Loi giai
Chon B.

Goi A 1a duong thang can tim.

* A song song v6i duong thing 2x+3y—2=0 nén A c6 dang: 2x+3y+m=0(m#-2).

* Adi qua diém A(2;l) néntacd 2.2+3.1+m=0=m=-7=A:2x+3y-7=0.

Ciu 4: Duong thang di qua diém M (1;2) va song song véi duong thang d:4x+2y+1=0 co
phuong trinh tong quat 1a

A.4x+2y+3=0.B. 2x+y+4=0.C. 2x+y—-4=0. D. x-2y+3=0.
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Loi giai
Chon C.
Puong thang d' song song voi duong thang d :4x+2y+1=0 nén phuong trinh d'c6 dang:
d:2x+y+c=0
d' di quaM(l;Z) néntacod: 2.1+2+c=0=c=—+4
Vay d':2x+y-4=0
Ciu 5: Duong thang di qua diém M (1;2) va vudng goc v6i dudng thing d:4x+2y+1=0 co
phuong trinh tong quat 1a

A. 4x-2y+3=0. B. 2x-4y+4=0. C.2x-4y+6=0. D.
x-2y+3=0.

Loi giai
Chon C.

Ta c6 duong thing A Ld =u, =n, =u, =(21) = n, =(1-2).
VIPT n, =(1;-2)

Aix-1-2(y-2)=0x-2y+3=0.
di qua M (1;2)

Phuong trinh dudng thang A {

Céu 6: Cho duong thiang d :2x—y+5=0. Viét duoc phuong trinh tong quat dudong thang A di
qua diém M (2;4) va vudng goc véi duong thang d .

A. x+2y+10=0. B. x+2y-10=0. C. 2x+y-8=0. D.
2x+y+8=0.

Loi gidi
Chon B.

Vecto phép tuyén ciia d 1a 7i =(2;-1).
Vecto chi phuong cua d 1a 4 =(1;2).
Do dudng thing A vudng goc v6i duong thiang d nén vecto phap tuyén cua A 1a n=(1;2).
Phuong trinh tong quét duong thing A 1al(x—2)+2(y-4)=0<x+2y-10=0.
2.5 Tim toa dd hinh chiéu, diém ddi xing
Vi du 1: Trong mit phang Oxy cho diém M (2;1) va dudng thang d:x—y+2=0
a) Tim toa d6 hinh chiéu H cta M trén d.
b) Tim toa d6 diém M ' ddi xtng v6i M qua d.
Loi giai

Tl

M

a) Vi HM vuéng goc d :x—y+2=0 nén nhan 7 =(1;1)lam vecto phap tuyén va HM di qua
M (2;1) nén phuong trinh ciia HM: 1(x-2)+1(y—1)=0< x+y-3=0.

H la giao diém cua HM va d nén toa do H la nghiém cta hé
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{x—yz—Z =

ol 2 vay D
x+y=3 23

SRRV SR

y:

b) Vi M d6i xtmg v6i M qua d nén H 1a trung diém MM’. Do d6:

1
Xy =2X, —X,, xM,:2.5—2 x=-1
= = . Vay M'(-1;4).
Vi =2V =Yy -221 4
Y = D)

Bai tap tric nghiém
Cau 1: Trong mit phang toa dd Oxy, hinh chiéu vudng goc cia diém A(2;l) 1én duong thing
d: 2x+y—-T7=0 cotoado) la.

A () B (-1 co. n.[ 32,
55 5 5 32

Chon A.
Duodng thang qua A4(2;1) va vuéng goc v6i d ¢ phuong trinh: x—2y =0 (A).
Goi A’ 1ahinh chiéucia A 1én d khido A'=And.Toadd 4 la nghiém hé phuong trinh:

14
2x+y-7=0 Bl
> el 3 vy a1
x-2y=0 7 55
r=3

Cau 2: Cho dudng thang d:-3x+y-3=0 va diém N(-2;4). Toa d6 hinh chiéu vuéng goc

cua N trén d la

A. (-3;-6). B. (—1;5]. C. (g;ﬂj_ D. (i;ﬁj.
373 55 10710

Loi giai
Chon D.
Ta c6 phuong trinh dudng thang d' di qua diém N (—2;4) va vudng goc voi dudng thing
d:-3x+y—-3=0 co phuong trinh 1a d': x+3y—-10=0
Goi H 1a hinh chiéu vuong goc cua N trén d . Khi do toa dd H 1a nghiém cia h¢ phuong trinh
M
-3x+y-3=0 N 1
{x+3yy—10 —0 7 13(; = ](B;%}
’“To
Cau 3: Cho diém M(I;Z) va duong thang d:2x+y—-5=0. Toa do cua diém dbi ximg véi
diém M qua d 1a

9 12 3
A.| = —|. B. (-2;6). C.|0;—]. D. (3;-5).
342] (-2:6) (03] (3:-5)
Loi giai
Chon A.
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Ta c6 phuong trinh dudng thang d' di qua diém M (1;2) va vudng goc véi dudng thang
d:2x+y-5=0 coéphuongtrinhla d':—x+2y-3=0
Goi [ 1a giao diém cua d va d'.Khidé toadd I 1a nghi¢m cua h¢ phuong trinh

7

2x+y-5=0 T3 [7 3
< =1 ——
—x+2y-3=0 y—ﬂ 55

5
Goi M' 1a diém d6i xtmg ctia M qua dudng thang d .

Xy =2%,—x, =
Khi d6 I 1a trung diém ciia MM’ suy ra

—_ | O

:M’(g,zj
2 55

Vi =21 = Yy =5

2.6 Bai toan khic vé phwong trinh tong quat

Cau 1: Buong théng 5x+3y =15 tao voi cac truc toa d0 mdt tam gidc cd di¢n tich béng

A. 15. B. 7,5. C. 3. D. 5.
Loi giai

Chon B.

Giasu d:5x+3y =15

[A=dnoOx  [4(30) [(04=3
Goi = = .
B=dnOy ~|B(0;5) |0B=5

d chén hai truc toa d6 tam giac OAB vuong tai O c6 di¢n tich S = %OA.OB =17,5

Chung minh rang, duong thing di qua hai diém A(a;O) , B(O;b) voi ab # 0(1—1.7.3) c6 phuong

trinh 1a

Loi gidi
Puong thing di qua hai diém 4 (a;0),B(0;b) nhan AB = (—a;b) 1am vecto chi phuong
vecto phap tuyén 1a n=(b;a). Khi d6 phuong trinh duong thang la: bx+ay —ab = 0.
Vi ab # 0 nén chia ca hai vé cia phuong trinh cho ab ta dugc phuong trinh 13

X,V

—+==1,
a b

thi co
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Cho duong thang A di qua M, o(@;y,) vaco VIPT n = (a;b) . Khi d6 phuong trinh tong quat
cua duong thang c6 dang: a(z — z,) + b(y — y,) = 0 < az + by + ¢ = 0(c = —az, — by,)

Cau 2: Goi H 1a tryc tdm cua tam gidc ABC . Phuong trinh cic canh va duong cao ctia tam gidc
la AB: 7x—y+4=0; BH: 2x+y-4=0; AH: x—y—-2=0. Phuong trinh duong cao CH

cua tam gidc 4ABC la

A. Tx—-y=0. B. x-7y-2=0. C.x+7y-2=0. D.
Tx+y-2=0.
Loi giai
Chon C.
A
B
C
Goi H(x;y).

Tacd H=AH N BH .

2x+y=4 {x=2
e

Nén toa do diém H la nghiém cua hé phuong trinh: { 0’ suyra H (2; 0).
y =

x—y=2
Dudng thing AB c6 vecto chi phuong la u = (1;7).

Puong cao CH vudng goc véi canh 4B nén nhan u lam vecto phap tuyén.

Vay phuong trinh tong quat ctia dudng cao CH 1a (x—2)+7(y—0) =0 x+7y-2=0.

Cau 3: Cho tam gidc ABC biét truc tim H (1;1) va phuong trinh canh AB:5x-2y+6=0,
phuong trinh canh 4C:4x+7y—21=0. Phuong trinh canh BC la

A. 4x-2y+1=0. B. x-2y+14=0. C. x+2y-14=0. D.
x—-2y-14=0.
Loi giai
Chon D.
A
B® C

Phuong trinh AB:5x-2y+6=0=n,, =(5;-2).
Phuong trinh AC:4x+7y-21=0=n,. =(47).
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Taco BH L AC = ny,n,. =0=>n,, =(7;-4).

‘ o VTPT ny, =(7;-4)
Suy ra phuong trinh duong thang BH ¢o ) .
®i qua ®i0m H (1;1)
BH:7(x—1)—4(y—l) =0 7x-4y-3=0.
Ta c6 diém B 1a giao diém cua hai duong thang AB va BH , suy ra toa do diém B 13 nghiém
o C[sx—2y+6=0 |77 19
cua hé phuong trinh = 19 = B|-5; 5 )

Tx—4y—3=0 -
¥ y=-=

Talaico CH L AB=>n,n,, =0=ng, =(2;5).
o [VIPT A = (25)
Suy ra phuong trinh duong thang CH ¢o ) .
®i qua ®i0m H (1;1)
CH:2(x—1)+5(y—1):0<:>2x+5y—7:0.

Ta c6 diém C la giao diém cua hai duong thing AC va CH , suy ra toa do diém C la nghiém

28

4x+7y-21=0 |* T3
cua hé phuong trinh Y o 3 =C é;_l
2x+5y-7=0 7 33

y=—§

Ta ¢6 B_c’z(?;%jjaz(n—z).

VTPT . = (1;-2)

Phuong trinh canh BC c6 , 28 7)-
®i qua ®i0m C (?, —5)

BC:x—?—Z(y+%J:0<:>x—2y—14:O.

Vay BC:x—-2y—-14=0.
Cau 4: Trong mit phang toa dd Oxy, cho tam giac ABC c6 C (1;—2), duong cao BH :
x—y+2=0, dudng phan giac trong AN: 2x—y+5=0. Toa do diém A 1a.

A. 4 i,z .B. 4 —i;Z A C. 4 —i;—Z . D. 4 i;—Z .
33 33 33 33
Loi giai
Chon B.
Puong thing AC qua C(l;—Z)Vé vuong goc voi BH nén c6 phuong trinh AC :x+y—-1=0
4
xX=——
L A 2 Coa o XY =1=0 3 A 4.7
Khi do6 toa do diém A 1a nghiém cta hé & .Vay 4| ——;—|.
2x-y+5=0 7 33
y=§

Ciu 5: Puong thing d :£+%:1, véi a#0, b#0, di qua diem M (-1;6) va tao v6i céc tia
a

Ox, Oy mot tam giac co6 dién tich bang 4. Tinh S =a+2b.
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A. S=10. B. §=6. C.S D. S=——
3 3
Loi giai
Chon A.
X Yy . L2 -1 6
d:—+==1diquadiém M (-1,6) = —+—=1(1).
a b a ( ) a b ()
Puong thing d:£+%:1taovéi cac tia Ox ; Oy tam gidc co diéntichb?mg4:>ab=8(2)
a
-1 6 -1 6 -b 6 b=-12
—+—=1 —+—=1 —+—=1 b=4
Tr (1);(2)=4a b  <4a b <18 b <:>{ _2(nhén)hoéc 3 (Loai)
ab =8 ab =8 ab =38 - )
=a+2b=10.

Céu 6: Viét phuong trinh tong quét ciia dudng thang di qua 2 diém 4 (0; —5) va B (3; 0)

A Z+2=1 B.-2+2=1. cZ - X_| D.2-2=1.
5 3 3 5 35 5 3
Loi giai

Chon C.

Phuong trinh tong quét ctia duong thang di qua hai diém 4 (0; —5) va B (3; 0)
SR PN,

3 -5 35

Céu 7: Lap phuong trinh duong thing A song song v6i duong thing d :3x—2y+12=0 va cit
Ox, Oy lan luottai A, B saocho AB = \/E . Phuong trinh duong théng Ala

A.3x-2y+12=0. B.3x-2y-12=0. C.6x-4y-12=0. D.
3x-4y-6=0.

Loi giai
Chon C.

Cach 1: Ty luian
Vi A//d nén A codang 3x—2y+c=0 voi c#12.

A cét Ox, Oy lan luot tai 4, B suy ra toa dg ctua A(—%;Oj va B(O;—%).

2 2
Theo d& bai AB:\/EQABZ:B@(%j +(§j —13e P =36 c=146.

V6ic=6: A:3x-2y+6=0.

V6ic=—6: A:3x—2y—6=0 hay A:6x-4y—-12=0.
Cach 2: Tric nghiém

A: A=d=loai A.

D: And = loai D.

B: A/ld. AnOx= A= A(4,0), AnOy =B = B(0;6). AB=~4+6" =/52 /13

= loai B.
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II. Phuwong trinh tham s6 ciia dwong thing
1. Dang 1. Xac dinh vecto chi phwong ciia dwong thing
- Kiém tra diém thudc dwong thing
, lx=1-2¢
Vi du: Cho duong thang A cé phuong trinh tham so6 {y oy
a) Chi ra mot vecto chi phuong ctia A.
b) Tim diém nam trén A c6 hoanh d¢ bang 2
¢) Tim diém nam trén A ¢6 tung do bang -1
d) Chi ra toa do cua hai diém thudc duong théng A.
e) Piém nao trong cac diém C(-1;-1); D(1;3) thudc dudng thang A.
Loi giai
a) Mot vecto chi phuong cua A la u = (-2;1)

1
. ‘ o (x=1-2 2=1-2¢  |'=73
b) Thé x =2 vao phuong trinh ta dugc <
y==2+t y==2+t 1 5
y:—z——:——
22
A a:R A \ 5
Vay diém can tim 1a 2;—5
. . . x=1-2¢ x=1-2¢ x=1-2.1=-1
¢) Thé y =-1 vao phuong trinh ta dugc =
y=-2+t —1=-2+¢ t=1

Vay diém can tim 1a (-1;-1)
c. Goi MEA=SM(1-2t;—2+t)
Chon t=-1 = M;(3;-3)
Chon t=0 = M»(1;-2)
d. Thay toa do diém C(-1;-1) vao dudng thang A ta duoc:

—-1=1-2¢ t=1

& o t=1.Vay C(—-1;-1)eA .

—1=-2+t t=1
Thay toa d6 diém D(1;3) vao duong thang A ta duoc:

1=1-2t t=0

< (1)

3=-2+t t=5
Hg (1) vo nghiém nén D(1;3)&A .
Bai tap tric nghiém
Céu 1: Cho dudng thing d c6: 2x+5y—6=0. Tim toa d6 mét vecto chi phuong i cia d .
A i=(25)B. i=(52). C. i=(5-2). D. i =(-5-2).

Loi gidi

Chon C.
Vecto phép tuyén ciia d 1a 7 =(2;5).
Vecto chi phuong cua d 1a i =(5;-2).

. x=-142¢
Cau 2: Tim mot vecto chi phuong cua duong thang d : { 35
y=3-
A. u=(2;-5). B. u=(5;2). C.u=(-13). D. u=(-31).
Loi giai
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Chon A.
Mot vecto chi phuong cia duong thing d 1a u =(2;-5).
Cau 3: Vecto chi phuong cua duong thing {; i 2 ;r 32 la:
A, =(2-3).Ba, =(3-1).  Cou,=(3;1). D. u, =(3;-3).
Céu 4: Vecto ndo dudi diy 1a mot vecto chi phuong cua dudng thing di qua hai diém A(—3; 2) va

B(1;4)?

Ao u =(-1;2). B. u, =(21). C. u, =(-2;6). D. u, =(L1).
Cau 5: Vecto chi phuong ciia duong thang §+§ =11a
A wi=(-23)  Bow=(3-2) C.us=(3;2) D. u1 =(2;3)

Hwéng din gidi:
Chon dap an B

§+§:1<:>2x+3y—620 nén dudng thing c6 VTPT 1a n=(2;3). Suy ra VICP la

u=(3-2).

Cau 6: Duong thing x_—25= - Vecto nao sau day la vecto chi phuong cua d la:

A(2:1) B.(2;-1) C.(L2) D.(1;-2)
Céu 7: Puong thing XT_5:6_—ly . Vecto nao sau day la vecto chi phuong cua d la:
A.(21) B.(2;-1) C.(L2) D.(1;-2)
Cau 8: Puong thing di qua hai diém 4 (l; 1) va B (—3; 5) nhén vecto nao sau day lam vecto chi
phuong?
A. d=(3;1).B. a=(L;-1). C. b=(L1). D. c=(-26).
Loi gidi
Chon B.
Ta co

Néu u 13 mot vecto chi phuong cua duong thing Athi ku(k #0) ciing 13 mét vecto chi phuong,
Puong thing di qua hai diém A va B nhan vecto AB = (—4;4)=—-4(1;-1) 1am mot vecto chi
phuong nén vecto a= (1; —1) la mot vecto chi phuong.
Céu 9: Duong thang A vudng goc véi duong thang AB, véi A(-2;1) va B(4;3). Duong thing
A c6 mot vecto chi phuong la
A.c=(1;-3). B.a=(31).  C.d=(13). D. b=(3;-1).

Loi gidi
Chon A.
Taco AB=(6;2). Pudng thing A vuéng goc v6i duong thing 4B nén nhan AB 1am mot

vecto phap tuyén, do d6 A c6 mot vecto chi phuong 1a c= (1;— 3).
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x=1+2¢

. Pudng thing A
y=2+3t & &

Cau 10: Cho phuong trinh tham s6 cua dudng thang A:{
di qua diém nao dudi day

A. M(1;-2) B. N(3;5) C. P(-1;-2) D. 0(-3;5)
Cau 11: Biém M(2;-3) thudc dudng thang ndo sau day:

=142t =1+2¢ =3+3¢ =3+¢
N B.Alzx C.AZ:X QAS:X
y=2+3t y=T+t y="7-4t¢ y==—7-4t

2. Dang 2 Lap phuwong trinh tham s6 hoic chinh tic ciia dwong thiang
Phwong phap:

-Cho duodng thang A di qua M, (z,;y,) va ; = (a;b) 1a VTCP. Khi d6 phwong trinh tham s6
ctia duong thing c6 dang:

lx:xo—kat e R
< .

y =y, +0bt

~Cho duomg thing A di qua M, (z,;y,) VA u = (a;b) (véi a = 0, b = 0) la VTCP. Khi do

phuong trinh chinh tic ctiia duong thing c6 dang:

Vi du 1: Lap phuong trinh tham s6 hodc chinh tic (néu c0) ctia cac dudng thang sau:
a) Puong thang d di qua diém A(2;~1) vanhan u =(-3;2) lam vecto chi phuong,
b) Puong thing di di qua diém B(-2;3) vanhan n=(-1;4) lam vecto phap tuyén.

¢) Puong thang d di qua 2 diém A2 ; —1) va B(2 ; 5).
Loi giai

a)Dudng thang d di qua diém 4(2;—1) vanhan u =(-3;2) lam vecto chi phuong

. x=2-3t
nén c6 phuong trinh tham so 1a:
y=—1+2¢
, x=2 y+1
Phuong trinh chinh tac 1a 3 5

b) Puong thing di nhan 7 =(-1;4) 1am vecto phap tuyén nén d; c6 vecto chi phuong 1
u=(41)

Dudng thing d; di qua diém B(-2;3) vanhan u =(4;1) 1am vecto chi phuong

. x=-2+4t
nén c6 phuong trinh tham so la:
y=3+t
, x+2 y-3
Phuong trinh chinh tac la 4 = 1

c) Pudng thang d» di qua 2 diém A(2 ; —1) va B(2 ; 5) nén c6 vecto chi phuong 1a
AB = (0;6) . Chon vecto chi phuong 1a u= (0;1)
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x=2

Phuong trinh tham s cua d, 1: {y =t
Puong thang d, khong c6 phuong trinh chinh tic

Vi du 2: Trong mat phang toa do, cho 7=(2;1),v=(3;2), 4(1;3), B(-2;1).
a) Lap phuong trinh téng quat ciia duong thang A, di qua 4 va c6 vecto phéap tuyén n
b) Lap phuong trinh tham sb ctia dudng thing A, diqua B va co vecto chi phuong v.
¢) Lap phuong trinh tham sé cua dudng thang A4B.
Loi gidi
a) Phuong trinh tong quat cta duong thang A, di qua 4 va c6 vecto phap tuyén n la
2x-D+(y-3)=0<=2x+y—-5=0.
b) Phuong trinh tham sb ctia duong thang A, di qua B va c6 vecto chi phuong v 1a
x=-2+3¢
2 { y=1+2t.
¢) Lap phuong trinh tham s6 cta dudng thing A4B.
Puong thing 4B di qua diém 4 va c6 vecto chi phuong AB =(-3;-2)1a

x=1-3¢t
y=3-2¢
i o 5 x=1+2t
Vi du 3: Cho hai duong thing A, : va A, :2x+3y-5=0.
y=3+5¢

a) Lap phuong trinh tong quat ciia A,.

b) Lap phuong trinh tham s6 cua A,.
Loi giai

a) Lap phuong trinh tong quat ctia A,.

Dudng thing A, di qua diém M (1;3), c6 vecto chi phuong u =(2,5) nén A, ¢6 vecto phap
tuyén 1a n=(5;—2). Khi d6 phuong trinh téng quat cua Ala: Sx-2y+1=0.

b) Lap phuong trinh tham s6 cua A,.

Dudng thang A, di qua diém N(L1), c6 vecto phap tuyén 1a n=(2;3) nén A, c6 vecto chi

x=1+3¢

phuong u =(3;-2). Khi d6 phuong trinh tham s6 cta A, la: { .y
y=1-2t.

Vi du 4: Cho duong thang d c6 phuong trinh tham s6 1a:

x=-1-3¢
{ y=2+2t.
a. Lap phuong trinh tong quét ctia dudng thang d.
b. Tim toa d6 giao diém cta dudng thang d 1an luot véi cac truc Ox, Oy.
c. Puong thang d c¢6 di qua diém M (-7; 5) hay khong?

Loi giai

a. Puong thaang di qua A (-1; 2), nhan i = (=3;2) lam vecto chi phuong = nhan 7 = (2;3)) lam

vecto phap tuyén.
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Phuong trinh tong quét ciia duong thiang d 13: 2(x+1)+3.(y-2) = 0 hay d:: 2x+3y-4 =0
b.Cho y=0=2x—-4=0= x=2. Viy giao diém ciia d véi Ox1a A(2;0)

Cho x=0:>3y—4:O:y=§.V€1y giao diém cua d véi Oy la B(O;%)

c. Thay toa do diém M (-7; 5) vao phuong trinh téng quat cua (d) ta duoc:

2.(-7)+35-4=0-3=0(voly)

Vay duong thang d khong di qua M(-7; 5).

Vi du 5: Cho dudng thing d c6 phuong trinh téng quét 1a: x - 2y - 5=0

a. Lap phuong trinh tham s6 ctia duong thang d.

b. Tim toa do diém M thudc d sao cho OM =5 véi O la géc toa do.

c. Tim toa do diém N thudc d sao cho khoang cach tur N dén truc hoanh Ox 1a 3.
Bai giai:

a. Chon A (5; 0) thudc d; d ¢ vecto phap tuyén 7 = (1;-2)

= d nhan vecto chi phuong u = (2;1)

Puong thing d qua A (5; 0)va c6 vecto chi phuong i = (2;1) c6 phuong trinh 1a:
x=5+2¢

b

b. Tim toa do diém M thudc d sao cho OM =5 vé6i O 1a géc toa do.

M thuoc d = M (2t + 5; t)

OM =542t +5) +£* =5 (2t +5) +17 =25

t=0=M(5;0)

t=—4= M(-3;,-4)

(t 1a tham s6)

<:>5t2+20t=0c>{

Vay c6 hai diém M thoa yéu ciu bai toan la
M, (5;0) va M,(-3;-4)
c. Tim toa do diém N thudc d sao cho khoang cach tur N dén truc hoanh Ox 1a 3.
N thudocd = N (2t + 5; 1)
Goi N' 13 hinh chiéu cta N trén truc Ox = N'(2t+5; 0)

i 2 . — , {t=5:>N(15;5)
Khoang cach tr N déntruc Ox 1a NN'=+0"+t" =5=>1t" =25

t=-5= N(-5;-5)

Vay c6 hai diém N thoa yéu cau bai toan 1a
N,(=5;=5) va N,(15;5)

Bai tap tric nghiém
Céu 1:Phuong trinh tham sb ciia duong thang di qua diém 4(2;—1) va nhan u =(-3;2) lam
vecto chi phuong la
x=-3+2t x=2-3t¢ x=-2-3t x=-2-3t
A. .B. . C. . D. .
y=2-t y=—1+2¢ y=1+2t y=1+2t
Loi giai

Céu 2:Cho hai diém A(5;6), B(-3;2) Phuong trinh chinh tic cia 4B 1a
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x=5 y-6 B x=5 y-6 C x+5 y+6 x+3 y-2
-2 12 -1 2 1 R R
Loi giai

A.

Chon D.
Taco AB=(-8;—4)=4(-2;-1) nén dudng thing AB di qua diém B(-3;2) va c6 vecto chi
x+3 y-2

phuong la v =(-2;-1) suy ra phuong trinh chinh tic cia 4B 1a =T

Cau 3: Puong thing A di qua M (3;—2) nhan u = (4;-5) 1a vec to chi phuong. Phuong trinh

tham sd cua dudng thing A la:

x=3+t x=3+4¢ x=4+3t x=3-2¢
A. B. C. D.
y=2-5t y=-2-5t y=-5-2t y=4-5t
Cau 4:Viét phuong trinh tham s6 ctia dudng thiang di qua 2 diém A2 ; —1) va B2 ; 5).
Cau 5:Phuong trinh nao sau day 1a phuong trinh tham s6 ctia dudng thang d :2x—6y+23=0 ?
x=0,5+3¢ x=5-3¢t x=5+3¢ x=-5+3¢
A. . B. . C. . D. :
y=4+t y=55+t¢ y=55-t y=55+t

Cau 6:Phuong trinh dudng thing cét hai tryc toa do tai 4(—2;0)va B(0;3) la

A%—%:l. B.3x—2y-6=0. C.2x+3y-6=0. D.3x—2y+6=0.

Cau 7:Trong mat phéng Oxy cho tam gidc ABC Vé’iA(3;—2) ;B(4;7); C(—l;l) phuong trinh

tham s6 duong trung tuyén AM 1a

x=3—-t x=3+t x=3+3t x=3+t¢
A. . B. . C. . D. .
y=4+2t y=-2+4¢ y=-2+4t y=-2-4¢
Loi gidi
Chon D.
Vi M la trung diém cua BC nén M[ﬂ,%“j :(%;4)

W=(3—3;4+2j =(—3;6j :—3(1;—4).
2 2 2

Duodng trung tuyén AM di qua diém A(3;-2) vanhan i =(1;-4) 1am vécto chi phuong nén ¢6

" ik x=3+t
phuong trin y—ds
, i , x=—1+2t
Cau 8:Trong mat phang toa d0 Oxy, cho diém A(2; 1) va duong thang A: { nes Tim toa
y =
d6 diém M thudc dudng thing A sao cho AM = V10
A M(-1;2), M(43). B. M (-1;2), M(3;4).
C.M(l;—2),M(3;4). D.M(2;—1),M(3;4).

Loi giai
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Chon B.
Goi M (—1+26;2+1).

t
Do AM =10 = \/(2t=3)’ +(t+1)" =10 <:>5t2—10t+10=10<:>[

Véi t=0=M(-1;2).
Voi1=2=M(3;4).
Vay M (-1;2) hodc M (3;4).

t s
. Toa d0 diém C thudc A

Céu 9:Cho hai diém A(-1;2), B(3;1) va duong thang A:{ -~
y=2+

dé tam gidc ACB céantai C la

A. Z,E ) B. Z;—E .
6 6 6 6

Loi giai
Chon C.

x=1+t¢
CeA: = CA+t2+1)
y=2+t

CA=CB & (t+2) +12 =(t=2) +(¢+1)’ <:>t=%:>C(%;%j

. . x=-1+3¢ :
Cau 10: Cho duong thang d c6 phuong trinh tham so 1a { vy Phuong trinh tong quat
y=4-
cua d:
A.3x—y+5=0.B. x+3y=0. C.x+3y-5=0. D.3x-y+2=0.
Loi giai

Chon C.

| X £ , x+1 -2
Tur phuong trinh tham s6 cta d ta co: KN =—— < x+3y-5=0.
Cau 11:DPuodng thang d c6 phuong trinh tong quét 4x +5y —8 = 0. Phuong trinh tham sb cia d
la

x=-5¢ x=2+4¢ x=2+5t
A. : B. . C. : D.
y =4t y =5t y =4t
x=2+5¢t
y=—4t
Loi giai
Chon D.
Tir phuong trinh tong quét clia d ta thdy d qua M (2;0) va c6 vecto phap tuyén n =(4;5) suy
, , - . L O x=2+5t
ra d c6 vecto chi phuong u =(5;—4). Phuong trinh tham s cia d 1a 4
y=-
. x=3-5¢ ,
Cau 12:Puong thang d : L+ 4z c6 phuong trinh tong quat la:
y=1+

A.4x+5y—-17=0.B.4x-5y+17=0.C.4x+5y+17=0.D.4x-5y-17=0.
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x=2+3t L, . )
(reR) vadiem M (-1; 6). Phuong trinh duong thang di qua

Cho duong thing A :{
y=—1+t

M va vudng goc véi A la
A.3x-y+9=0.B. x+3y-17=0.C. 3x+y—-3=0. D. x-3y+19=0.

Loi giai
A ¢6 mdt vecto chi phuong u = (3;1).
Vi dudng thing d vudng goc véi A nén d co vécto phap tuyén n=u=(3;1).
Phuong trinh tong quét ciia dudng thang d 1a 3(x+1)+(y-6)=0<3x+y-3=0.

3. Dang 3: toan thuc té vé phwong trinh dwdng thing
Vi du 1: Mét tro choi dua xe 0 to6 vuot sa mac trén may tinh da xac dinh truéc mot hé truc toa do
Oxy. Cho biét mot 6 t6 chuyén dong thang dé tir diém M(1; 1) v6i vecto van tbe v~ = (40; 30).

Y A

M(1; 1)

Y

=l
0

Hinh 2
a. Viét phuong trinh tham sb ctia dudng thang d biéu dién dudng di cua 6 6.
b. Tim toa do cua xe ung voi t=2; t=4.

Loi gidi
x =1+40¢

a. Phuong trinh tham sé cta duong thang d 1a:
y=1+30¢
b. Thay t = 2 viao phuong trinh duong thiang d, toa d6 cia xe la:
x=1+40.2 x =281
S {x=14+40.2y=1+30.2 & {x=81y=61
y=1+30.2 y=6l
x=1+404 x=161
=
y=1+304 y=121

Van dung 2: Mot ngudi bit ddu md mot voi nude. Nude tir voi chay véi toe do 1a 2m3/h vao mot

Thay t = 4 vao phuong trinh dudng thing d, toa d6 cua xe la: {

cai bé da chura san 5m3 nudc.
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Hinh 4

a. Viét biéu thuc tinh thé tich y cta nudc c6 trong bé sau x gio.

b. Goi y = f(x) 1a ham s6 xac dinh dugc tir cau a). V& d6 thi d ctia ham s6 nay.

c. Viét phuong trinh tham sb va phuong trinh tong qua cta dudng thang d.
Loi giai

a. y=2x+5

b. D6 thi d ctia ham sé y=2x+5 di qua hai diém A(—52; 0) va B(0; 5).

Sl

c. Ta co: y=2x+5 & 2x—y+5=0

= Phuong trinh tong quat ctia dudng thang d 1a 2x—y+5=0.

Ta c6 d nhann” = (2; -1) 1a vecto phap tuyén nénu” = (1; 2) 1a vecto chi phuong cia duong
thang d.
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Phuong trinh tham s§ cua dudng thang d di qua diém B(0; 5) va nhanu” = (1; 2) 14 vecto chi
h 1 x=t
PR {y=5+2t
Vi du 3: M4t nguoi dang 1ap trinh mot tro choi trén may tinh. Trén man hinh may tinh da xac
dinh truéc mot hé truc toa do Oxy. Ngudi d6 viét 1énh dé mot diém M(x; y) tir vi tri A(1; 2)
chuyén dong thing déu véi vecto van toe v~ = (3; -4).
a. Viét phuong trinh tong quat cua duong thang A biéu dién dudng di cua diém M.
b. Tim toa do cta diém M khi A cit truc hoanh.
Loi gidi

a. Taco v~ 1a vecto chi phuong ctia duong thing A = n” = (4; 3) 1a vecto phap tuyén.
Phuong trinh téng quét ciia duong thang A di qua diém A(1; 2) va nhan n” = (4; 3) 1a vecto phép
tuyén la:

4x-1)+3(y-2)=04x+3y-10=0
b. Toa d6 cua diém M 1a giao diém cta dudng thiang A va truc hoanh:

Cho y:0:>4x—10:O:>x:%.VéyM=(52; 0)
Vi du 4: Dé tham gia mot phong tap thé duc, ngudi tap phai tra mot khoan phi tham gia ban dau
va phi sir dung phong tap. Puong thing A ¢ Hinh 38 biéu thi téng chi phi (don vi: triéu dong) dé

tham gia mot phong thap thé duc theo thoi gian tap cia mot nguoi (don vi: thang).
VA

A

¥

._.
.
— N
. -

Chi phi (triéu dong)

=V

7 I
Thang

Q

[R]

Hinh 38

a. Viét phuong trinh ciia duong thang A.

b. Giao diém ciia duong thang A véi truc tung trong tinh hudng nay c6 y nghia gi?

c. Tinh tong chi phi ma ngudi d6 phai tra khi tham gia phong tap thé duc voi thoi gian 12 thang.
Bai giai:

a. AquaA (7;5) vaB (0;1,5), nhan AB = (—7;—%) lam vecto chi phuong c6 phuong trinh la:

x=T7-Tt
A: 7 (t1a tham sd).
y=5—5f

b. Giao diém ciia duong thang A véi truc tung trong tinh hudng nay c6 y nghia la: khoan phi
tham gia ban dau ma ngudi tap phai tra.
c. Tong chi phi ma ngudi d6 phai tra khi tham gia phong tap thé duc véi thoi gian 12 thang la:
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12=7-7t z‘=—i t:—é
x = 12 thay vao phuong trinh cta A ta duogc: 7 & 7
y=3-71 y:5_1(_2) B
207 2

Viy Tong chi phi ma nguoi do phai tra khi tham gia phong tap thé duc voi thoi gian 12 thang 1a :
7,5 triéu déng.
Vi du 5: Viéc quy ddi nhiét do giira don vi d6 C va don vi d6 F duoc xac dinh bai hai mdc sau:
Nudce dong bang ¢ 0°C, 32°F;
Nudc s61 6 100°C, 212°F.
Trong quy doi d6, néu a°C tuwong Gmg véi b°F thi trén mat phang toa d6 Oxy, diém M(a; b) thudc
duong thang di qua A(0; 32) va B(100; 212).
Hoi 0°F, 100°F tuong tng véi bao nhiéu do C?
Loi gidi
Viét phuong trinh dudng thang qua A va B.
Puong thang AB c6 vecto chi phuong: AB = (100;180)
Chon vecto chi phuong U= (5:;9)
Phuong trinh tham s6 cua duong thing AB:

x =5t
y=32+9¢

X = (—Ej x=-7,78

£ . Jx=5t 9
Neéu y =0 thi = & 32
0=32+9¢ 32 t=—"-
t=——"= 9
9
68
x=5 —— x=-37,78
£ . Jx=5t 9
Neéu y =100 thi & = 68
100=32+9¢ , 68 t:—?

Vay 0°F, 100°F 1in luot tuong g véi -17,78 va 37,78 d6 C

Vi du 6: Theo Google Maps, san bay Noi Bai co vi do 21,2° Bic, kinh do 105,8° Pong, san bay
Pa Niang ¢6 vi do 16,1°Béc, kinh d6 108,2° bong. Mot may bay, bay tur Noi Bai dén san bay Pa
Néng. Tai thoi diém ¢ gio, tinh tir lac xudt phat, may bay ¢ vi tri co vi d6 x°Bic, kinh do

y* Déng dugc tinh theo cong thirc

x=21,2-133,
40
y=105,8+%t

a. Hoi chuyén bay tir Ha Noi dén Da Ning mat may gio?
b. Tai thoi diém 1 gio ké tir liic ct canh, may bay dé bay qua vi tuyén 17 (17° Bic) chwa?
Bai giai:

a. Néu may bay dén Pa Ning thi x = 16,1 va y = 108,2.
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16,1=21,2—£t
40

Ta co: 9 <:>t=i:1,33
108,2:105,8+§t

Viy chuyén bay tir Ha Noi dén DPa Ning mat gan 1,33 gio.
b. Tai thoi diém 1 gio thi t = 1 thay vao phuong trinh c6:

x:ZI,Z—E.l x=2l,2—£.1=17,375
40 40

f—
y:105,8+%1 y:105,8+%1:107,6

Viy tai thoi diém 1 gid, may bay da qua vi tuyén 17.
C. BAI TAP TRAC NGHIEM PHUONG TRINH PUONG THANG

Cau 1: Cho phuong trinh: ax+by+c=0 (1) v6i a® +b* > 0. Ménh dé nio sau day sai?
A. (1) 1a phuong trinh tong quét cta dudng thing c6 vecto phap tuyén la n=(a;b).
B. a=0 (1) 1a phuong trinh duong thing song song hogc tring véi truc ox .
C.b=0 (1) 1a phuong trinh dudng thang song song hodc tring vai truc oy .
D. Diém M, (x,;,) thudc duong thang (1) khi va chi khi ax,+by, +c#0.
Loi giai
Chon D.
Ta c6 diém M, (xo; Yo ) thuoc dudng thing (1) khi va chi khi ax, +by,+c=0.

Cau 2: Ménh d nao sau day sai? Duong thing (d) dugc xac dinh khi biét.

A. Mot vecto phap tuyén hodc mot vec to chi phuong.
B. Hé s6 goc va mot diém thude duong thang.
C. Mot diém thude (d) va biét (d) song song v6i mot duong thang cho trudc.
D. Hai diém phén biét thudc (d).
Loi giai
Chon A.
Néu chi c6 vecto phap tuyén hodc mot vecto chi phuwong thi thiéu diém di qua dé viét duong
thang.

Cau 3: Cho tam gidc ABC . Hoi ménh d& nao sau day sai?

A. BC 1a mot vecto phap tuyén ciia duong cao AH.

B. BC 1a mot vecto chi phuong ciia dudng thing BC.

C. Cac duong thing AB, BC, CA déu c6 hé sb goc.

D. Buong trung truc cua 4B ¢o AB 1a vecto phép tuyén.
Loi gidi

Chon C.

Cau 4: Dudng thing (d) c6 vecto phap tuyén 7 =(a;b). Ménh dé nao sau day sai ?

A. ur =(b;~a) 1a vecto chi phuong ctia (d).
B. 1> =(~b;a) 1a vecto chi phuong cia (d).
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Cau 5:

Ciu 6:

Cau 7:

Cau 8:

C. 1’ =(ka;kb)k € R 14 vecto phap tuyén cua (d).

D. (d) c6 hé s6 goc k=2 (b#0) .

a
Loi gidi
Chon D.
Phuong  trinh  duong  thing ¢4  vecto  phap  tuyén n=(ab) 1a

ax+by+c:0<:>y:—%x—%(b¢0)

Suy ra hé s6 goc k = —%.

Dudng thing di qua 4(-1;2), nhan n=(2;-4) lam véc to phao tuyén c6 phuong trinh la:
A. x-2y-4=0 B. x+y+4=0 C. x+2y-4=0 D.
x—=2y+5=0
Loi giai
Chon D
Goi (d) 1a dudng thiang di qua va nhan n= (2;—4) lam VTPT
:>(d):x+l—2(y—2)=0<:> x—-2y+5=0
Cho dudng thang (d): 2x+3y—4=0 . Vecto nao sau diy la vecto phap tuyén cua (d)?
A. n =(3;2). B. 1, =(—4;-6). C.n=(2-3). D.n=(-23).

Loi giai

Chon B.
Taco (d):2x+3y—4=0=VTPT n=(2:3)=(~4—6)
Cho duong thang (d):3x—7y+15=0. Ménh dé nao sau day sai?
A. u=(7;3) 14 vecto chi phuong cua (d).
3

cO hé so goc k=7.

C. (d) khong di qua goc toa do.

B. (d

—
~

D. (d) di qua hai diémM(—%;zjvé N(5;0).
Loi giai

Chon D.

Giasit N(5;0)ed :3x—7y+15=0=3.5-7.0+15=0(vl).

Phuong trinh duong thang di qua hai diém 4(-2;4); B(-6;1) la:

A. 3x+4y-10=0. B.3x-4y+22=0.C. 3x-4y+8=0. D.3x-4y-22=0
Loi giai

Chon B.

x+2 y-4

Taco (4B):—4 =24

X

& 3x—-4y+22=0
B~ X4 Vg7 Vu —4 -3
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cho duong th'fmg(d ) :3x+5y—15=0. Phuong trinh nao sau diay khong phai la mot
dang khéc cua (d).

A Z+Zo1 Boy=-Zx+3 c.{x: (teR) D xZS_Et(teR)
53 y=
y=t
Loi giai
Chon C.
, \ 2 , ’;:(3;5)
Ta c6 dudng thang (d):3x+5y—15=0 ¢6 VTPT
quaA(S;O)
- 5 5
VICPu =| -2;1 _5_3
= ! ( 3 j:(d): X=5 3tSuyraDd1'1ng.
quaA(S;O) y=t

(d):3x+5y—15:0©3x+5y:15<:>§+§:l Suy ra A dung.

(d):3x+5y—15:0©—5y:3x—15<:>y:—%x+l Suy ra B ding.

Cho dudng thing (d):x—2y+1=0. Néu duong thang (A) di qua M (1;—1) va song
song v6i (d) thi (A)co phuong trinh
A. x-2y-3=0 B. x-2y+5=0 C.x-2y+3=0 D. x+2y+1=0

Loi gidi

Chon A.
Taco (A)//(d)x—=2y+1=0=>(A):x—2y+c=0(c#1)
Talai o M(L-1)e(A)=1-2(-1)+c=0& c=-3
Vay (A):x—2y—3:O

Cho ba diém A(1;-2),B(5;—4),C(-1;4) . Pudng cao A4’ cua tam gidc ABC c6

phuong trinh

A. 3x—-4y+8=0 B.3x-4y-11=0 C.-6x+8y+11=0 D.8x+6y+13=0
Loi giai

Chon B.

Taco BC =(-6;8)

VIPT n=BC =(-6;8)
quaA(l;—2)

Suyra A4':~6(x-1)+8(y+2)=0< —6x+8y+22=0<>3x-4y-11=0.

Goi AA' 1a duong cao cua tam gidc AABC = AA' nhan {

Cho hai diém A(4;O), B(O;S) . Phuong trinh nao sau day khong phai la phuong trinh

ctia duong thing AB?

— 44 _ _
A" (teR) B. X121 c. it Y D. y="2x+15
y=5¢ 45 4 5 4

Loi giai
Chon D.
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Phuong trinh doan chén (4B):=+==1 loai B

NS
W =

VIPT n=(5;4)= VTCPu =(-4;5
(4B):2+2 =1 5x+4y-20=0= n=(5:4) = VICPu =(~43)
4 5 qua A(4;0)
—4-4
:(AB):{X ‘(reR) loai A
y=>5t
(4B): 42 1o o XX i
45 57 4 5 -
(4B): 242 o1 X o1-F o y=—2 145 chon D
45 5 4 4
Duodng thang (A): 3x—2y-7=0 cit duong thang nao sau day?
A. (dl):3x+2y=0B. (dz):3x—2y:OC. (d3):—3x+2y—7:0. D. (d4):6x—4y—1420.

Loi gidi
Chon A.
Ta nhan thay (A) song song véi cac duong (d,);(d, );(d,)

Ménh dé nao sau ddy dung? Puong thing (d):x—2y+5=0:
A. bi qua A(l; —2).

B. C6 phuong trinh tham sé: {x

C. (d) c6hé s6 goc k:% :
D. (d) cit (d') c6 phuong trinh: x—2y =0.

Loi giai
Chon C.
Gia stt A(1;—2)e(d):x—2y+5=0 =1-2,(=2)+5=0(vl) loai 4.
Taco (d):x—2y+5=0=VITPTn=(1;-2)= VTCPu =(2;1) loai B.
Ta c6 (d):x—2y+5=0:>y=%+% = hé sb goc kzé Chon C.

Cho dudng thang (d):4x-3y+5=0. Néu dudng thing (A) di qua goc toa do va
vudng goc véi (d) thi (A)cé phuong trinh:
A. 4x+3y=0 B.3x-4y=0 C.3x+4y=0 D. 4x-3y=0

Loi gidi

Chon C.
Ta co (A)J_(d):4x—3y+5:0:>(A):3x+4y+c:0
Talai co O(0;0)e(A)=c=0
Vay (A):3x+4y:0

Cho tam gidc ABC c¢o A(—4;1)B(2;—7)C(5;—6) va dudng théng
(d):3x+y+11=0. Quan hé giita (d) va tam gidc ABC la:

A. Duong cao ve tur A.
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B. Buong cao vé tur B.
C. Puong trung tuyén v& tir A.
D. Buong Phan giac goc BAC.
Loi gidi
Chon D.
Taco (d):3x+y+11=0=VTPT n=(31)
Thay A(-4;1) vao (d):3x+y+11=0 =3.(-4)+1+11=0(/d) loai B

Taco: BC=(3;1) xét n.BC=33+1.1=10%0 loai A

Goi M 1a trung diém cua BC :MG;—%) thay vao (d) :3%—%+11:4+11:15¢0
loai C
A . 2 x=1-2t ,
Cau 17: Giao diém M cua (d): va (d'):3x-2y-1=01a
y=-3+5t¢
A M 2;—E . B. M O;l . C. M 0;—l . D. M —1;0 .
2 2 2 2
Loi giai
Chon C.
) x=1-2¢
Taco (d): = (d):5x+2y+1=0
y=-3+5¢
, N A . 3x-2y—-1=0 x=0
Taco M =(d)n(d')= M langhiém cia h¢ phuong trinh = 1
5x+2y+1=0 y:—E
Cau 18: Phuong trinh nao sau day biéu dién duong thing khong song song voi duong thing
(d):ysz—l?
A. 2x—-y+5=0. B.2x-y-5=0. C.-2x+y=0. D. 2x+y-5=0.
Loi giai
Chon D.

Ta co (a’):y=2x—1:>(d):2x—y—1=0 chon D
Ciau 19: Viét phuong trinh tong quat cua duong thang di qua diém [/ (—1;2) va vuéng gbéc voi duong
thang c6 phuong trinh 2x—y+4=0
A, —x+2y-5=0 B. x+2y-3=0 C.x+2y=0 D. x-2y+5=0
Loi giai
Chon B
Goi (d) la dudong thing di qua 7/(-L2) va vudng géc v6i duong thing
(d):2x—y+4=0
Taco (d) L(d)) < ny =u, =(12)
:>(d):x+1+2(y—2)=0c>x+2y—3=0
x=-2+5¢

Cau 20: Hai duong thing (d,):
g g ( 1) {y=2t

va (d,):4x+3y-18=0. Cit nhau tai diém c6
toa do:
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A. (2:3). B. (3;2). C. (L,2). D. (2;1).

Loi giai
Chon A.
. x=-2+5t
Taco (d,): = (d,):2x-5y+4=0
y=2t

) . A . 2x-5y+4=0 x=2

Goi M =(d,)n(d,) = M langhiém cua hé phuong trinh =S
4x+3y—-18=0 y=3

x=2-3¢

Cau 21: Cho duodng thang (d):
8 g( ) {y=—1+2t

va diém AG;—z) Diém Ae(d) tmg voi gia tri

nao cua t?

Ar=2, B.i=1. =t
2 2 2

Chon C.

Cau 22: Phuong trinh tham s6 ctia duong thang (d) di qua diém M (-2;3) va vudng goc voi

duong thang(d'):3x—4y+1=01a

x=-2+4¢ x=-2+3t x=-2+3t x=5+4¢
A. B. C. D.

y=3+3t y=3-4 y=3+4t y=6-3t

Loi giai

Chon B.
Taco (d)L(d"):3x—4y+1=0 = VTCPu, =(3;—4) va qua M (-2;3)

Suy ra (d):{ (teR)

Cau 23: Cho A4BC c6 A(2;-1);B(4;5);C(-3;2). Viét phuong trinh tong quét ctia dudng cao AH .
A. 3x+7y+1=0 B. 7x+3y+13=0 C. 3x+7y+13=0 D. 7x+3y—-11=0
Loi gidi

x=-2+3t
y=3-4¢

Chon C
Taco: BC =(~7;-3). Vi AH L BC nén

qua A(2;-1)
AH <. :>AH:3(x—2)—7(y+1):0®3x—7y—13=0
n=(3;—7) lam VTPT
Cau 24: Viét phuong trinh tong quat ctia dudng thang di qua diém M (ﬁ ;1) va vudng goc voi duong
thang c6 phuong trinh (x/E+ 1)x + (\/5 —l)y =0.

A. (1—«/5)x+(\/§+1)y+1—2x/§:0 B. —x+(3+2\/§)y—3—x/§=0
C. (1-v2)x+(v2+1)y+1=0 D. —x+(3+2v2)y-v2=0
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Loi giai
Chon A.
Ta c6 dudng thing vudng goc dudng thang véi dudng thiang di cho

Suy ra (d):(l—\/i)x+(\/§+l)y+c:0
Ma M (V2,1)e(d)=c=1-22
Vay (1—«/5)x+(\/§+1)y+1—2x/§=0
Céu 25: Cho duong thing (d) di qua diém M (1;3) va co vecto chi phuong a=(1;-2).
Phuong trinh nao sau ddy khong phai 1a phuong trinh cua (d)?

=1-¢ — —
A.{x B.x—1=yT3. C.2x+y-5=0. D.y=-2x-5.

y=3+2t -1

Loi giai

x=1+t¢ x=1-t .
:>(d).{y:3_2t(teR):(d).{y:?)Jrzt(te]R) loai A

Ta co (d):{le_t (teR):x—_ll=y;3 loai B

Cé VICPa=(1;-2)=VTPTn=(2;1) suy ra (d):2(x—1)+1(x-3)=0< 2x+3y-5=0 loai

C
Cau 26: Cho tam gidc ABC co A(—2;3),B(l; —2),C(—5;4).Bu(‘)’ng trung tryc trung tuyén AM

c¢6 phuong trinh tham s6

x=2 x=-2-4¢ x=-2t x=-2
A. B. C. D.
3-2t. y=3-2t. y=-2+3t y=3-2t.
Loi giai
Chon D.
‘ 2 — x=-2
Goi M trung diém BC = M (-2;1) = AM =(0;-2)= (AM):{ Y
y=3-
. x=2+3t 2 . R R R
Cau 27: Cho(d): sS4 biém nao sau day khong thude (d)?
y=5-
A. A(53). B. B(2;5). C. C(-19). D. D(8;-3).
Loi giai
Chon B.
2=2+43t t=0
Thay B(2;5)= = =1=0
5=5-4t t=0
A x=2+3t as Y , " 3
Cau 28: Cho (d): I Hoi ¢6 bao nhiéu diem M e(d) cach 4(9;1) mot doan bang
y=3+t.
5.
A. 1 B. 0
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C.3 D. 2

Loi giai
Chon D.
Lubn c6 2 diém thoa yéu ciu bai toan.
That vay M(2+3m;3+m), M(2+3m;3+m). Theo YCBT ta co

AM =5<10m* —=38m+51=25 < 10m* =38m+26 =0 (*), phuong trinh (*) c6 hai nghiém
phan biét nén c6 hai diém M thoa YCBT.

Cau 29: Cho hai diém A4(-2;3);B(4;—1). viét phuong trinh trung tryc doan AB.
A. x—y—-1=0. B. 2x-3y+1=0. C.2x+3y-5=0. D.3x-2y-1=0.
Loi gidi
Chon D.

Goi M trung diém AB = M (1;1)

Taco AB=(6;—4)

Goi d 1a duong thang trung truc cia AB .

Phuong trinh d nhan VTPT n= (6;—4) vaqua M(1;1)

Suy ra (d):6(x—l)—4(y—1)=0c>6x—4y—2=0©3x—2y—1=0

A ,o .y . N B N . N 2 n n , x:1+(m2+1)t
Cau 30: Voi gid tri nao cua m thi hai duong thing sau day vudng goc (Al):

va
y=2—-mt
(A ): x=2-3t
Yy =1-4met'
A m=13 B. m=—/3 C. m=43 D. khong c6 m
Loi gidi
Chon A

(A)) ¢6 u, =(m" +1;-m); (A,) b u, =(-3;-4m)
(Al)L(A2)<:>L71Luj<:>—3(m2+l)+4m2 —0om=3cm=1/3
Cau31: Cho 4 diém A(1;2),B(4;0),C(1;,-3),D(7;-7). X4c dinh vi tri tvong ddi cla hai dudng thing

AB va CD.
A. Song song. B. Cit nhau nhung khong vuéng goc.
C. Trung nhau. D. Vudng goc nhau.
Loi gidi

Chon A.
Taco AB=(3;-2),CD =(6;—4)
Ta co 3 = =2

6 —

Suyra 4B//CD

Cau 32: Cho 4 diém A(-3;1),B(-9;-3),C(~6;0),D(-2;4). Tim toa do giao diém cua 2 duong thing
AB va CD.
A. (-6;-1) B. (-9;-3) C. (-9;3) D. (0;4)

Loi giai

Trang 35/12



Chon B.

Taco AB=(-6;—4)=VIPTn,, =(2;-3)=(A4B):2x-3y=-9
Ta co C—D:(4;4):VTPT@:(I;—I):(CD):x—y:—6

Goi N=ABNCD

. o |2x-3y=-9 x=-9

Suyra N la nghiém cia h¢ = =N (—9;—3)
x—-y=-6 y=-3
Cau 33: Cho tam gidc ABC c6 A(-1;-2);B(0;2);C(~2;1). Duong trung tuyén BM c6 phuong trinh la:

A. 5x-3y+6=0 B. 3x-5y+10=0 C. x-3y+6=0 D.

3x—-y-2=0
Loi giai
Chon A

Goi M latrung diém AC = M —é;—l . BM = —3;—2
2 2 2 2

BM qua  B(0;2) va  nhan n=(5-3) lam  VTPT
:>BM:5x—3(y—2):0<:>5x—3y+6:0
Ciu 34: Cho tam gidc ABC véi A(2;-1);B(4;5);C(-3;2). Phuong trinh tong quét cia dudng cao di
qua A cuatam giac la
A.3x+7y+1=0 B.7x+3y+13=0 C.-3x+7y+13=0 D. 7x+3y—11=0
Loi giai
Chon C
Goi AH 1a dudng cao clia tam gidc. BC =(-7;-3).
AH diqua A(2;-1) vanhan n=(3;-7) lam VTPT
:>AH:3(x—2)—7(y+1)=0<:>3x—7y—13:0
Cau 35: Cho tam giac ABC véi A(2;3);B(—45);C(6;-5). M,N lan luot 13 trung diém cua AB va
AC . Phuong trinh tham s6 cua duong trung binh MN 1a:
x=4+t x=-1+t x=-1+5¢ x=4+5t
A. B. C. D.
y=—1+t¢ y=4-t y=4+5t¢ y=—1+5¢
Loi giai
Chon B
Ta co: M(-1;4);N(4;—-1). MN diqua M (-1;4) va nhan A—IN:(S;—S) lam VTCP

x=-1+5¢
= MN:
y=4-5t¢
Cau 36: Phuong trinh duong thrfmg di qua diém M (5; —3) va cét hai truc toa do tai hai diém A
va B sao cho M 1a trung diém cua AB la:
A. 3x-5y-30=0. B. 3x+5y-30=0. C. 5x-3y—-34=0. D.5x-3y+34=0
Loi giai
Chon A.

Goi A€ Ox= A(x,;0); B0y = B(0;y,)
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Cau 37:

Cau 38:

. X, +x,=2x x,=10
Taco M latrung diém AB :>{ 4T M :>{ 4

Yitys =2y, Yy =-6

Suy ra (AB):%+1=1@3x—5y—30=0.

Cho ba diém A(1;1);B(2;0);C(3;4). Viét phuong trinh dudng thing di qua A va céch déu hai
diem B,C.

A.4x-y-3=0;2x-3y+1=0 B. 4x—y-3=0;2x+3y+1=0

C.4x+y-3=0;2x-3y+1=0 D. x-—y=0;2x-3y+1=0
Loi giai

Chon A

Goi (d) 1a duong thang di qua 4 va cach déu B,C. Khi d6 ta c6 céc truong hop sau
THI1: d di qua trung diém ctua BC. 1(%;2) 1a trung diém cua BC. AM = (%;lj la VTCP cua

dudng thang d . Khi d6 (d):-2(x-1)+3(y-1)=0 < -2x+3y-1=0.
TH2: d song song véi BC, khi d6 d nhan BC =(1;4) lam VTCP, phuong trinh duong thing
(d):—4(x-1)+y-1=0 < —4x+y+3=0.
Cho hai diém P(6;1) va Q(-3;-2) va duong thang A:2x—y—1=0. Toa dd diém M thudc A
sao cho MP + MQ nho nhét.
A. M(0;-1) B. M(2;3) C. M(1;1) D. M(3;5)
Loi giai
Chon A.
bat F(x,y):2x—y—1
Thay P(6;1) vao F(x;y) =2.6-1-1=10
Thay Q(-3;—4) vao F(x;y) = 2.(-3)—-(-2)-1=-5.
Suy ra P,Q nam vé hai phia cia duong thing A.
Ta cd MP+MQ nh6 nhat < M, P,Q thang hang

= Fé cung phuong PM suy ra M (0;—-1)

Cau 39:

Cho AABC co6 A(4;—2). Puong cao BH :2x+y—4=0 va dudng cao CK :x—y—-3=0. Viét
phuong trinh dudng cao ké tir dinh A
A. 4x+5y-6=0 B. 4x-5y-26=0 C.4x+3y-10=0 D. 4x-3y-22=0
Loi giai
Chon A
Goi Al 1a duong cao ké tir dinh 4. Goi H, la tryc tdm cua A4BC, khi do6 toa do

7

2 A . 2x+y—-4=0 X 3 S 54
diem H théa man h¢ phuong trinh = . AH, =| ——;—
x—y—-3=0 2 33

y=—§

Al qua H, G—éj vanhan n=(4;5) lam VTPT
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:>AI:4(x—%j+5(y+§j=O<:>4x+5y—6=0

Cau 40: Viét Phuong trinh duong thing di qua diém M (2;-3) va cit hai truc toa do tai hai
diém A va B sao cho tam giac OAB vudng cén.
+y+1=0 +y-1=0 +y-1=0

AT B. "7 C.x+y+l=0. D.| 7

x—-y-5=0. x—y-5=0. x—y+5=0.

Loi gigi
Chon A.
Phuong trinh doan chén (4B): £+% =1
a

b=a

Do AOAB vudng can tai O <:>|a|=|b| C{b
=-a

THL: b=a =>>+2=
a a
Vay (A4B):x+y+1=0

lox+y=ami M(2-3)e(4B)=2-3=aoa=-1=b=-1

TH2: b=—a »>>-L=lex—y=a mai M(2;-3)e(4B)=2+3=a<a=5=>b=-5
a a

Vay (AB):x—y—S =0
Cau 41: Cho hai diém P(1;6) va O(-3;-4) va duong thang A:2x—y—1=0. Toa do diém N thudc A
sao cho |NP - NQ| 16n nhat.
A. N(=9;-19) B. N(-1;-3) C. N(;1) D. N(3;5)
Loi giai
Chon A.
Tacod PO =(-4;-10) = VTPT n,, =(10;-4)
Suy ra phuong trinh (PQ):5x—-2y+7=0
Ta ¢6 |NA— NB|< 4B
Dau "=" xdy ra khi va chi khi N, 4, B thang hang
Tacd N=PONA

= N(-9;-19)

. o . S5x=-2y+7=0 x=-9
= N la nghiém cua h¢ phuong trinh =

y=-19
x=1+¢
y=2+t

2x—y—-1=0

. Toa d6 diém C thudc A dé tam

D. (E,Zj
6 6

Chu 42: Cho hai diéem A(-1;2), B(3;1) va duong thing A:{
gidc ACB can tai C.
A (Z;Ej B. [z;_ﬁj C. [-Z;Ej
6’6 6 6 66

Chon A.

CA=(-2-t;-t)
Taco CeA=C(1+1,2+1)=
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Tacd AACB cintai C < CA* =CB* & (2—1) +(~t) =(2—1)" +(~1-1)’ @r=%

Suy ra C(Z,EJ
6 6
Cau 43: Goi H 1a tryc tdm cua tam giac ABC. Phuong trinh cac canh va dudong cao cta tam
giac la: AB:7x—y+4=0;BH :2x+y—-4=0;AH : x—y—-2=0. Phuong trinh duong cao CH
cua tam giac ABC la:
A. Tx+y-2=0. B. 7x—y=0. C.x-7y-2=0. D. x+7y-2=0.
Loi giai
Chon D.

2x+y-4=0

=2
Tacdé H = BH N AH = H la nghiém ctia hé phuong trinh { N {x 0> H (2;0)
y =

x—y—-2=0
Taco CH 1L AB=CH :x+7y+c=0 ma H(Z;O)ECH2>2+7.O+C=0<:>CZ—2
Suyra CH :x+7y-2=0.

Cau44: Cho tam gidc ABC c¢b6 C(-1;2), dudng cao BH:x—y+2=0, duong phin gidc trong
AN :2x—y+5=0.Toadd diém 4 la

A. 4 i,z B. 4 _—4,1 C. 4 _—4,_—7 D. 4 i,_—7
33 33 3 3 3°3

Chon D.

Ta co BHJ_AC:>(AC):x+y+c=O

Ma C(—l;2)e(AC):>—1+2+c=0:c=—1
Viay (AC):x+y—l=O

, TR L fxry-l=00 [PTTE (47
Co A= AN N AC = A la nghiém cua h¢ phuong trinh = = Al —;—
2x-y+5=0 7

3
Cau 45: Cho tam gidc ABC biét tryc tim H(1;1) va phwong trinh canh AB:5x —2y +6 = 0, phuong trinh
canh AC:4x+7y—21=0. Phuong trinh canh BC la
A. 4x-2y+1=0 B. x-2y+14=0 C.x+2y-14=0 D. x-2y-14=0
Loi giai
Chon D.
Taco A=ABNAC = A(0;3) = AH =(1;-2)
Taco BH L AC=(BH):Tx—4y+d =0

Ma H(;1)e(BH)=>d =-3 suyra (BH):7x—4y-3=0

Co B:ABmBH:B(—S;—%j

Phuong trinh (BC) nhan AH = (1,-2) 1a VTPT va qua B(—S;—%)

Suy ra (BC):(x+5)—2(y+%j=0<:>x—2y—14:O
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Cau 46: Cho tam giac ABC c¢o A(l;—2), duong cao CH:x—y+1=0, dudng phan giac trong

BN :2x+y+5=0.Toadd diém B la

A. (4;3) B. (4;—3) C. (—4;3) D. (—4;—3)

Loi giai

Chon D.

Ta co ABJ_CH:(AB):x+y+c=O

Ma A(l;—2)e(AB):>1—2+c:O:c=1

Suyra (AB):x+y+1=0
= B(—4;3).
2x+y+5=0 y=3
Cau 51:Trong mit phang toa dd Oxy, cho hai diém M (6; 3), N(=3; 6). Goi P(x; y) la diém

, . . . x+y+1=0 x=-4
C6 B=ABN BN = N langhiém hé phuong trinh =

trén truc hoanh sao cho ba diém M, N, P thrfmg hang, khi d6 x+y co giatrila

A. 15. B. 5. C. -3. D. -15.
Loi giai

Chon A.

P(x; y) 1a diém trén truc hoanh nén suy ra P(x; O) .

Ta co: Z\—lﬁ:(—9; 3); A713:(x—6; -3).

LR 2 L — _— x_6:k(_9) x:15
Badiém M, N, P thang hang khi MP =kMN < 3o k3 <9, {
Vay P(lS; 0), suyra x+y=15.

Cau 52: Trong mit phing toa do Oxy cho hai diém M (41), N(-12), M'(x;y) la diém doi
xtmg vo1 M qua N.Khido x+y cogiatrila
A. -3. B. 3. C.9. D. -9.
Loi giai
Chon A.
Tacé M'(x;y) 1a diém dbi xtmg v6i M qua N nén N la trung diém MM'.

, X, =2X,—X X, =—6
Toa d diém M’ 1a{M NoTM @{M

Y =2V =Yy Y =3 .

Vay x+y=-3.
Cau 53: Cho tam gidc ABC c6 A(-2;7); B(3;5); C(1;—4). Biét ring truc tim ciia tam gidc

NPT a b , e K N .a b ., A A A=
ABC la diém H| —;— |, v0i a, b, m, n 1a cac s0 nguyén duong va —, — la cac phan so toi

m n m n
gian, Tinh 7 =%+ 2.
m n

A.T=9—5. B.T=£. C.T=7—2. D.T=ﬁ.

9 4 7 5

Loi giai
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buong cao AH cua AABC qua A(-2;7) va nhén CB= (2;9) 1am VTPT nén c6 phuong trinh:
2(x+2)+9(y=7)=0=2x+9y-59=0.
Dudng cao BH cia A4BC qua B(3;5) vanhan AC =(3;-11) lam VTPT nén c6 phuong trinh
la 3(x=3)—11(y—5) =0 3x—11y+46=0.

235

ek o [2x49y-59=0 "7 g
Toa dd diem H 1a nghiém cua h¢ phuong trinh & .
3x—-11y+46=0 269

Y49

72
Vay T'=—.
ay 7

Cau 54: Cho duong thing d:x—2y-3=0. Tim toa do hinh chiéu vuong goc H cua diém

M (0;1) trén duong thang.

A. H(-1;2). B. H(51). C. H(3;0). D. H(1;-1).

Loi giai

Chon D.

Ald=A:2x+y+m=0,ma M(0;1)eA:20+l+m=0m=-1=A:2x+y—-1=0.

2x+y—-1=0 x=1
o

x-2y-3=0 y=-1

Cau 55: Cho ba diém A(l;4) , B(3;2), C(5;4). Toa d6 tam dudng tron ngoai tiép tam giac

ABC la

Toa do diém H 1a nghiém cua hé: { . Vay H( 1;—1) .

A. (2;5). B. (3;2) C. (9;10). D. (3;4).

Loi giai
Chon D.

2

48 = (=5, +(rg=2,) =28, 4C (s =, 4 (=) =4
BC=(e =5, + (e =) =242

D@ thidy AB”> + BC> = AC* =16 nén suy ra tam giac ABC vudng tai B.

Vay tam dudng tron ngoai tiép tam gidc ABC 1a 1(3;4) véi I trung diém canh AC.
Cau 56: Trong mat phéng toa d0 Oxy, cho tam giac ABC co6 A(3;4), B(Z;l) , C(—l;—2). Goi

M (x;y) 1a diém trén duong thing BC sao cho S, ;. =4S,,,, . Tinh P=x.y.

_3 p_17 p_
Al 16 B.| 16 c.| 16, D. Pip 4n
_7 p__ p_1
16 16 16
khac.
Loi gii
Chon C.

D@ thay Sase _g o BC 4 o B_C=4BM_.
S usm BM BC =—-4BM
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3 5
X—2=—— X=—
TH1: BC=4BM thi: ;‘ o ‘1‘ Sxy=—
—1:—— = —
4 s U7q
x—2:i x=E
e DA s 4 4 77
TH2: BC =-4BM thi: = >xy=—.
23 _7 16
y 4 y

4
Cau 57: Cho hai diém P(1;6) va O(-3;—4) va duong thang A: 2x—y—1=0. Toa do diém N
thudc A sao cho |NP - NQ| 16n nhat.
A. N(3;5).B. N(L;1). C. N(-1;-3). D. N(-9;-19).
Loi giai
Chon D.
Tacé: (2.1-6—1).(-2.3-4-1)=55>0 = P va QO cung phia so voi A.
Phuong trinh dudng thing PQ: 5x—2y+7=0.

. LT s A e 1a . 2x-y-1=0 x=-9
Goi H=ANPQ,toadd H la nghiém cua hé phuong trinh:
y

f—
S5x=2y+7=0
Hay H(-9;-19).

Vé6imoi diém N e A thi: [NP—NQ| <|HP - HQ|=|PQ| =|NP- NQ

max = |PQ| :

Dau bang xay rakhi N trung H .
Cau 58: Trong mit phing toa do Oxy, cho diém M (4; 1), duong thing d qua M, d cit tia
Ox, Oy lan luot tai A(a; 0), B(0; b) sao cho tam gidc ABO (O la gbc toa df) c6 dién tich
nho nhit. Gia trj a—4b bang
A. -14. B. 0. C. 8. D. -2

Loi giai
Chon B.

Ta c6 phuong trinh dudng thang d c6 dang: £+% =1 (theo gia thiéttacd a>0,b>0)
a

Do d diqua M(4; 1) nén ta co i+%=l
a

Mat khac dién tich cua tam giac vuong 4BO la S, = %ab

‘ 4 1 4 1 4
Ap dung BBDT Cositaco l=—+—22, |—.— =
a b ab <ab

Vay dién tich ctia tam giac vuong ABO nho nhat bang 8 khi @, b théa min hé phuong trinh
1

b a=38

{ & =a—-4b=8-42=0.
+—=1

b

= ab24<:>%ab28

SN NI S N
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Cau 59: Trong mit phang toa do Oxy, cho ba diém A(1;0), B(0;5) va C(-3;-5). Tim toa d¢

diém M thudc truc Oy sao cho |3m —2MB + 4W| dat gia tri nho nhét?

A. M(0;5). B. M (0;6). C. M(0;-6). D. M (0;-5).
Loi giai
Chon C.
Goi I(a;b) 1a diém thoa man: 314 - 21B +4IC =0
— — —_ - — N - a —_2 9
taco: 3A-2IB+4IC=0 < 514=24B-44C {5 :1(—?—6]
b=-6

Khi 6 3MA —2MB +4MC| = 34~ 21B + 4IC - SIM| = [0 - 5IM | = 51

Do doé: |3m —2MB +4MC | nho nhit khi M ngan nhat. Suy ra M 1 hinh chiéu vuéng goc ctia
9 A

I(—g;—6j trén Oy :>M(0;—6).

Céu 60: Trong mit phing v6i hé toa 40 Oxy cho duong thing A:x—2y—-5=0 va cac diém
A(1;2), B(-2;3), C(-2;1). Viét phuong trinh duong thang d , biét duong thing d di qua goc

toa do va cit duong thrfmg A tai diém M sao cho: [MA + MB + MC I nho nhat.

A. x+y=0. B. x-3y=0. C. 2x-3y=0. D. 2x+y=0.
Loi giai

Chon D.

Goi M(2m+5;m)eA.

G(-1;2) la trong tim A4BC.

‘MA + MB +MC‘:‘3MG‘:3MG.

|MA +MB +MC | nhé nhit <> MG nhé nhét < G 14 hinh chiéu vudng goc ciia G trén A.

GM =(2m+6;m—2); VICP ctia A 1a u=(2;1).

G 1a hinh chiéu vudng goc ciia G trén A
SGMu=02(2m+6)+m-2=05m+10=0<m=-2= M (1;-2).

Puong thing d qua gbc toadd d:y=ax.

M(l;—2)ed:>a=—2.

Vay phuong trinh duong thang d : 2x+y =0

Cau 61: Trong mat phéng v6i h¢ toa dd Oxy cho hinh chit nhat 4BCD biét AD =2A4B , duong
thing AC ¢ phuong trinh x+2y+2=0, D(l;l) va A(a;b) (a,b eR,a> 0). Tinh a+b.

A.a+b=-4. B.a+b=-3. C.a+b=4. D. a+b=1.
Loi giai

Chon D.

Cach 1: Goi 4(a;b). Vi A€ AC:x+2y+2=0 nén a+2b+2=0=a=-2b-2

Do a>0 nén —26-2>0=5b<-1 (*)
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Khi d6 A(-2b-2;b).

Ta co AD =(2b+3;1-b) 1a vécto chi phuong cua duong thing AD .
ii =(2;—1) 1a vécto chi phuong ctia duong thang AC .

A1 ~ c 1 2
Trén hinh vg, tana=E=5:>cosa=$(l) A(a;b)a D(1;1)
Lai c6 cosa |25ﬁ| Sp+1 (2)

al = T— =

4D @] 5\b*+2b+2 3 c
1

Tu (1) va (2) suyra Al =2 b 42h-3=0=h=-3 (do (*)) =>a=4.

5B +2b+2 5

Khi do A(4;-3),suyra a+b=1.

Cach 2: Goi 4(a;b). Vi A€ AC:x+2y+2=0 nén a+2b+2=0=a=-2b-2
Do a>0 nén —26-2>0=b<-1 (*),khido A(-2b-2;b).

Vi CeAC:x+2y+2=0nén C(-2¢-2;c)

Taco: AD =(3+2b;~1-b); CD =(3+2¢;1-c).

ii LCD
Chon {4 __ =i=(c—-1;3+2c)
@ = |cD|

_ (ADLCD | AD=2i
Ta co: = __.
AB=2CD AD =21

b=-3

"
1—b=6+4c (Vm)

c=-

Véi AD = 2ii :{3+2b2€_2©{ |
2

b=1
3 (khong t/m)

Véi@:—zﬁ:{
2

1-b=-6-4c

CcC=

3+2b=-2c+2 {
=

Vay A(4;-3),suyra a+b=1.
Cau 62: Cho tam giac ABC c6 di¢n tich béng S =%, hai dinh A(Z; —3) va B(3; —2). Trong

tdm G nam trén duong thang 3x—y—8=0. Tim toa d6 dinh C?

A. C(-10;-2) hogc C(1;-1).  B. C(-2;-10) hoac C(l;—l).

C. C(-2;10) hoac C(1;-1). D. C(2;-10) hoge C(1;-1).
Loi giai

Chon B.

Goi G(a;3a—8).Do S, :%: Seis :%.
Pudng thing 4B nhan 4B =(1;1) 1a véc to chi phuong nén c6 phuong trinh x—y-5=0.

_Ja-(3a-8)-5 _[3-24]

AB =12, d(G;4B)= NoET: %
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Do S.,; :%:%.AB.CI(G;AB):% @\/E.le <:>|3—2a|:l<:> Z:

V2

Véia=1=G(1;-5)= C(-2;-10).

Véia=2=G(2,-2)=C(1;-1).

Vay C(-2;-10) hogc C(1;-1) thoa man yéu ciu bai toan.

Céu 63: Trong mit phang Oxy, cho tam giac ABC co A(—4;—1), hai duong cao BH va CK

¢6 phuong trinh lan lugt 1a 2x—y+3=0 va 3x+2y—6=0. Viét phuong trinh dudng thing
BC va tinh di¢n tich tam gidc ABC.

A.BC:x—y=O;S:§. B.BC:x—y=O;S=?.
2
C.BC:x+y:0;S=75. D. BC:x+y:0;S=375.
Loi giai
Chon D.
A
H
K,
B ¢ J8

+ BH c6 vécto phap tuyén n,, (2;-1). CK c6 vécto phap tuyén n,, (3;2).

+ Dudng thing AB vuong géc CK nén nhan n,, (3;2) lam vécto chi phuong, vi thé 4B ¢6

vécto phap tuyén 7, (2;-3). Mat khac 4B di qua 4(—4;-1) nén c6 phuong trinh:
2(x+4)-3(y+1)=0 < 2x-3y+5=0.

+ Dudng thang AC vuéng géc BH nén nhan n,, (2;-1) lam vécto chi phuong, vi thé AC ¢6

vécto phap tuyén 7, (1;2). Mat khac AC di qua 4(—4;-1) nén c6 phuong trinh:
I(x+4)+2(y+1)=0 & x+2y+6=0.

) » 2x-3y+5=0 x=-1
+ B la giao diém cia AB va BH . Xét hé: = = B(-L1).
2x-y+3=0 y=1
. .2 x+2y+6:0 x:6
+ C la giao diem cua AC va CK . Xét hé: & :C(6;—6).
3x+2y-6=0 y=—06

+ Puong thang BC ¢6 vécto chi phuong 1a BC =(7;~7) nén ¢6 vécto phap tuyén 1a n=(7;7).
Vay BC ¢6 phuong trinh: 7(x+1)+7(y-1)=0 < x+y=0.
+ BC =47 +(-7) =7V2.

4-1 5
P+ V2

+ Chiéu cao ké tir 4 cua tam gidc ABC 1a d(4,BC)
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S .3
22

Ciu 64: Cho A(L;—1), B(3;2). Tim M trén truc Oy sao cho MA’ + MB’ nho nhat.

+ Dién tich tam giac 4ABC la: S = %7\/5

A. M(0;1).B. M(0;-1). C. M(O;%}. D. M(o;—%].

Loi gidi
Chon C.
M trén tryc Oy = M (0; ).

MA=(;-1-y); MB=(3;2-y)
. s oo 1)L 19 2
MA*+MB” =10-2y+2y" =2| y —y+Z +?:2 y——| +t—2—
.z : 2 A 5 2 2 M 19
Gia tri nhé nhat cua (MA + MB ) bang Y
S , . 1
Dau bang xay ra khi y=5.
A s , 4 7Y ., . . A , \
Céau 65: Cho tam giac ABC c6 A(g,g] va hai trong ba duong phan gidc trong c6 phuong trinh

lan lugt 14 x—2y—1=0, x+3y—1=0. Viét phuong trinh dudng thang chira canh BC.
A. y+1=0.B. y—-1=0. C. 4x-3y+1=0. D. 3x—-4y+8=0.

Loi giai
Chon A.

(5 5) x+3y-1=0

D@ thay diém A[%;%) khong thudc hai duong phan gidc x—2y—1=0 va x+3y—-1=0. Suy

g0i CF:x—2y—1=0, BE:x+3y—1=0 lan lugt 1a phwong trinh duong phan giac xuat phat tir
dinh C, B (nhu hinh v€ trén).

Goi d 1a duong thang qua A(%;%) va vudng goc v6i BE thi d ¢d VTPT 1a n, = (3;—1) nén c6

phuong trinh 3(x—%j—[y—%):0<:> 3x—y—1=0.Toadd diém M =d N BE thoa min hé

2
3x—y—1=0 3
e = 5:>M(g;lj.
x+3y—-1=0 1 55
Y75
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Suy ra toa do diém déi xtmg véi A(%;%) qua M(%%) la 4'(0;—1) thi 4'e BC (1).
Goi d' 1a dudng thang qua AG;%) va vudng goc voi CF thi d' ¢6 VTPT 1a n, = (2;1) nén

c6 phuong trinh 2(x—§j+(y—%j=0<:> 2x+y—-3=0.Toadd diém N =d'NCF théa min
2x+y-3=0
hé{ y <
A 3R A ’ 7. 4 7 7 1 A " N "
Suy ra toa do diém doi xtng véi A(g,gj qua N(E,g) la A"(2;-1) thi 4" e BC (2).

Tir (1) va (2) taco 4’4" =(2;0) 1amdt VTCP ciia BC suy ra VIPT ctia BC 1a n=(0;1). Do

d6 phuong trinh canh BC:0(x—0)+1(y+1)=0< y+1=0.
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CHUYEN DE : PHUONG PHAP TOA PO TRONG MAT PHANG
CHU PE: VI TRI TUONG POI HAI PUONG THANG-GOC-KHOANG CACH
A.TOM TAT LY THUYET:
1. Vi tri twong ddi ciia hai dwong thing.

d :a1x+b1y+01:0:>;b'1:(a'b)

1 1771

d

2

Cho hai duong thang 5
ca,x + by +c, =0=n2 = (a,;b,)

2772

e d, cit d, khi va chi khi n = (a,;b ),52 = (a,;b,) khong cung phuong a,b, — a,b, = 0

1771 2772

e d //d, Khivachikhini = (a;b),n» = (a,;b,) cingphuongva M € d, = M & d,

1771 2772

e d =d, khivachikhi ni = (a;b),n: = (a,;b) va M € d, = M € d,

e Dicbiétd Ld, &n Ln &n.n =0<cab +ab =0
Chu y: V6i truong hop a,.b,.c, = 0 khi do

. a a. . \ 2 <
+Néu —+ = —2 thi hai duong thang cat nhau.

1 b2
£ a a, c V1 \ 2
+ Néu — = — = — thi hai duong thang song song nhau.
bl 2 CQ
A a/l a2 Cl 3 . \ 2 <\
+Néu — = o = — thi hai duong thing trung nhau.
c

1 2
2. Géc giira hai duwong thing:
a) Pinh nghia: Hai duong thang a va b cit nhau tao thanh bon goc. S6 do nho nhét ciia cac goc d6 duge
goi 12 s do cua goc giita hai dudng thing a va b, hay don gian 13 goc gitta ¢ va b. Khi a song song
hoic trung véi b, ta quy wdc goc giira chiing bang 0°.
b) Céng thirc xac dinh géc gitra hai dwong thing.
Géc x4c dinh hai duong thang A, va A, c6 phuong trinh A, : ax +by + ¢, = 0 va

;g s A , |a1a2 + b1b2|
A, :a,x + by + ¢, = 0 duogc xéac dinh bdi cong thirc cos(Al;AQ) = .
Jai + e + b

3. Khoang cach tir mdt diém téi duwong thflng : )
a) Cong thirc tinh khoang cach tir mot diém téi dwong thang :
Cho duong thing A : az + by + ¢ = Ovadiém M (xo; Y, > Khi d6 khoang cach tir M dén (A) duogc tinh

_ |a:1;0 + by, + c|

Va? +b?
b) Vi tri ciia hai diém di véi dwdng thang.
Cho duong thang A:az + by + ¢ =0 va M(z,:y, ) € A, N(zy:y, ) € A.Khido:

boi cong thire: d(M,(A))

- M, N cung phia v6i A < (a:cM + by,, + c)(axN + by, + c) >0

- M, N khéc phia véi A & (a:cM + by, + c)(azN + by, + c) <0
Chu y: Phuong trinh duong phan gidc ctia goc tao boi hai duong thang :
Ataz+by+c =0vaA azr+by+c =0Ila
ar+by+e L 0T + by + ¢,

Jai + b Ja: + b

B. PHUONG PHAP GIAI TOAN

1.Dang 1: Vi tri twong ddi ciia hai dwong thing.
Phwong phap:
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Vi du 1: Xét vi tri trong ddi cua cac cip duong thing sau
a) A 2222 vaAy 6x-2y-8=0

2 3

x=-3+4r x=1-2¢
b) A;: va A,:

y=2-6t y=4+3t
C)A:x-2y+1=0va A,: 3x+6y—-1=0.

-1 y-5
d) dltx—1=yT, d,: x—2y+1=0
Loi giai:

a) Taco A, §—§=2 & 3x-2y-6=0. A, covtptla nTz(3;—2)

Ax: c6 vipt 1a n, =(3;-1)
Do % # _—i nén nT, nj khong cung phuong. VAy hai duong thang cét nhau.
b) Taco A, c6 vipt 1a m =(3;2)

Az: co vipt la a = (3;2)
Suy ra nT, nj cung phuong. Vay hai duong thang song song hodc tring nhau.
Liy M(=3;2) thudc A,.

, t'=2
Thé x=-3, y =2 vao phuong trinh duong thang A, ta dugc {;3::41;3? =4 e 2 (v0 nghiém)
3
Suyra M ¢ A,
Vay A,//A,

A :x—-2y+1=0va A,: 3x+6y-3=0.

1 -2 1
Tacd — =—=—nén A, va A,trung nhau.
6

d) d, :x_—_llzyT_S, d,: x—2y+1=0

Taco d,co vipt la n, =(3;1)
Taco d,co vipt1a n, =(1;-2)

Do % # 1 nén ;], nj khong cuing phuong. Vay hai duong thang cét nhau.

Vidu 2: Véi gid tri ndo cua m thi ba dudng thang sau dong quy ?
d :3x-4y+15=0, d, :5x+2y—-1=0, d,:mx—-4y+15=0.
Loi giai:

Do %;t _74 nén d,, d, cat nhau. Toa d6 giao diém M cua d,, d, 1a nghiém ctia hé

3x-4y=-15 x=-1

= = M(-13)

Sx+2y=1 y=3
DPé d,, d, va d, dongqiuthi M ed, = m(-1)-43+15=0=m=3
Vay m =3 1a gia tri can tim.

Vidy 3: Cho hai dudng thang d, :mx+(m—1)y+2m=0 va d, :2x+y-1=0. Tim m dé
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a) d,, d, cat nhau
b) d,//d,

¢) d,, d, trung nhau
d) d,, d, vuong goc

Loi giai
a)Tacod: d,, d, citnhau @ﬂimT_l@m;tZ.
m m—-1 2m

b)Taco d,//d, & —=——#— @m=2.

m

c) d, d, trﬁngnhau@ﬂzm—_lzz—mQ 2
2 1 m

2

-1

Vay khong c6 gia tri nao dé 4, d, trung nhau.
d) d,, d, vuong goc = m.2+(m—1).1=0<:>m:§.
2. Dang 2:Géc giira hai dwong thang: .
Vidu 1: Tim goc giira cac cap dwong thang sau:
a) d:5x+y-3=0;d,:5x—y+7=0.
b) 3x+y—-1=0va 4x—-2y—-4=0.
¢) A, x+/3y=0va A, x+10=0?
Loi giai:

a) Puong thang: Sx+y—3=0 co vtptii, = (5;1)

Puong thang: 5x—y+7=0 c6 vipt n, =(5;-1)
5.5+1.(-1 12
| ) =—=(d,d,)=22°37".
NS+ 5+ (-1 13
b) Duong thang: 3x+y—1=0 c6 vipt 7i, =(3;1)

cos(d,d,)=

Puong thang: 4x—2y—4=0 cb vipt ii, :(4;—2)

_|ﬁ1.ﬁ2|_i j(dl;d2)=450

RGN

¢) Vecto phap tuyén cia duong thang A, 1a nT = (1;«/5 )

cos(d,;d,)= |cos(ﬁl 7, )|

Vecto phép tuyén ctia dudng thing A, la nj =(1;0)

‘1.1+\/§.0
JE+(B A0 2

Vi du 2: Tim cdsin goc gitra 2 duong thang
x=2+t

Goi ¢ la goc gita A,A,: cosp =

a) A;: 10x+5y—-1=0va Az:{y=1—t .

b) A :x+2y—-7=0va A,:2x-4y+9=0.
- =10-6¢
2L 22 g T ?

y=1+5t

Loi giai:
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a)Vecto phap tuyén cia A ,A, lan luot 1a n, = (2;1),n, = (1;1)

3

n,.n,
] 10

b) Vecto phap tuyén cia duong thing Al la nT =(1;2)

cos(A,A, )= ‘cos(nl, nz)

Vecto phép tuyén ctia dudng thing A, la nj =(2;-4)

12+2.(-4) 3
VP 42222 +(—4) 5
¢) d, ¢cd VIPT n, =(6;-5) va d,c6 VTPT la n, =(5;6). Do n.n, =0=d, Ld,
Vay cos(d,,d,) =0.
Vidu 3: Tim a biét duong thang y = ax+1hop véi x—y =0 mot goc 60°

Loi giai:

Puong thing: y=ax+1 < ax—y+1=0 ¢o vtpt 7, = (a;—1)

Goi ¢ la goc gita A,A,: cosp =

Puong thang: x—y =0 co vtptii, = (I;—1)
a1+(=D.(-D]  |a+]]
J@@ + (=12 P+ (=1 Na*+142

:>\/§|a+1|:\/az+1<:>2(a+1)2 —a*+led*+4a+1=0<a=-2++/3.

=cos60’ = l

cos(d,,d,) =

Vi du 4: C6 hai gia trj m,,m, dé duong thang di x+my—3 =0 hop véi duong thang d> x+ y =0 mot goc
60°. Tong m, + m,bang:
A. -1 B. 1 C. 4 D. 4
Loi giai:
Chon C
Puong thiang: x+my—3=0 c6 vtpt n, = (1;m)

Puong thang: x+y =0 ¢ vtptii, = (I;1)
Li+m]  |m+]
Vi + P AP+ m? +142

= 2|m+1|=Vm* +1 & 2m+1)* =m* +1 < m* +4m+1=0=>m, +m, = —4.
Vi du 5: Cho hai duong thing d: x+2y+3=0,d": 2x+ y+3=0. Phuong trinh cac duong phan giac
cta cac goc tao boi d va d' la:

cos(d,,d,) = = c0s60’ = l

Loi giai:
Phuong trinh cac dudng phan gidc cta cac goc tao boi d va d' la:
|x+2y+3| |2x+y+3| X+2y+3=2x+y+3 x—y=0
= = = .
V12 +22 V12 +22 x+2y+3=—(2x+y+3) x+y+2=0

Vi du 6: Viét phuong trinh duong thang di qua A4(—2;0) va tao v6i dudng thing d :x+3y—3=0 mot
goc 45°.
Loi giai:
Phuong trinh duong thang can tim 6 dang: A4(x+2)+ By =0.
Theo gia thiét, ta co:
cos45’ = [4+38 V2

S 0 2

= |4+3B|=/5NA+ B’ &
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=2=>A=2,B=1
24 -34B-2B’ =0 <

SRSV N

N S
2

Vay c6 hai duong thang thoa yéu ciu bai toan 1 2(x+2)+y=0<2x+y+4=0 va
I(x+2)-2y=0x-2y+2=0.

Vidu 7: Cho A4BC voi A(4; —3),B(1;1),C(—l;—%j. Phan giac trong ctia goc B ¢6 phuong trinh:

Loi giai:
Goi [ la chan duong phan gidc trong goc B, ta co:
_4+2(-1) 2
7l 1-4)" +(1+3)’ +2 3
ic BC 5 1)’ —3+2(—j
(1+1) +(1+] _ 2) 4
2 YT TS

Phén giac trong 13 duong thing qua B, I nén cb phuong trinh:

Vi dy 8: Cho duong thang di qua hai diém 4(3,0), B(0;4). Tim toa d6 diém M ndm trén Oy sao cho

dién tich tam giac MAB bang 6
Loi giai

Tacé AB=(-3;4) =[4B|=5.

Phuong trinh dudng thing AB 1a §+%:1 < 4x+3y-12=0.

Goi M (0;m)e Oy = d(M,AB)= 5n2—122| _ |3m5_12|.
37 +4

Dién tich tam giac MAB bang 6 nén

15|3m—12|

3m=0 m=0= M/(0;0)
> =6 < [3m-12|=12 &

<~ .
3m=24 | m=8=M(0;8)

x=9+at

y=T-2% (teR) va

Vi du 9: Xac dinh tit ca cac gia tri cua a dé goc tao boi duong thing {

duong thang 3x+4y—2 =0 bang 45°.
Loi giai
Goi ¢ la goc gitra hai duong thang da cho.
x=9+at
y=T7-2t
Duodng thing 3x+4y—2=0 c6 vecto chi phuong la v =(4;-3).

Puong thing { (1 €R) 6 vecto chi phuong 1a i =(a;-2).
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Ta cod cos¢:|cos(ﬁ,\7)| < cos45° = |f7i| @L: |4a+6|
EIC R e

Vi du 10: Puong thang A di qua giao diém cia hai duong thing d,:2x+y-3=0 va
d,:x—2y+1=0 dong thoi tao voi dudng thang d, : y—1=0 mot goc 45° co phuong trinh:
Loi giai

{‘ Y {x S d,nd, = A(1;1) €A,

dx-2y+1=0" |y=1

Tacd d,:y—1=0—7n,=(0;1),g0i 7, =(a;b), ¢ =(A;d,). Khi d6
! i

ﬁzcosw: Ja* +b* o +1

Vi dy 11: Trong mit phang toa d6 Oxy, cho diém M (1;—1) va hai dudng thang c6 phuong

a=b—>a=b=1>A:x+y-2=0

Sa+bh =20 < .
a=-b—>a=1,b=-1>A:x—y=0

trinh (d,):x-y-1=0,(d,):2x+y-5=0. Goi A la giao diém ciia hai duong thang trén. Biét
rang c6 hai duong thang (d) di qua M cét hai duong thang trén lan luot tai hai diém B,C sao
cho ABC la tam gidc c6 BC=34B c6 dang: ax+y+b=0 va cx+y+d =0, gid tri cua
T=a+b+c+dla

Loi giai

Toa do A(2;1)

) ) ) : 1 3
Goi «a la goc gitra hai duong thang (d, ) va (d,), cosa =—— = sina=—
( 1) ( 2) N Jio
Xét tam giac ABC ta co: 4B = ?C :>sinC:L
sinC  sin4 \/ﬁ

Goi 3 la goc gitra hai duong thang (d) va (d,), suy ra: sin f = Lo cos ff =

3
\/ﬁ ﬁ (1)

Gid sir (d) c6 vec to phép tuyén la ﬁ(a;b)
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a=b
a="7b

3 - 2a +b| 3
N TN N T

Véi a=b mot vec to phap tuyén n=(L1)=d:x+y=0

Tu (1) taco: cos =

< at-8ab+b*=0 @{

Vé6i a=7b mot vec to phap tuyén n(7;1)=d :7x+y-6=0

Vay: T=1+0+7-6=2
Vi du 12: Phan giac cua gbc nhon tao boi 2 duong thing d 3x+4y-5=0 va d,:5x-12y+3=0 co
phuong trinh:

Loi giai:
di ¢6 vecto phap tuyén 7i, =(3;4), da c6 vecto phap tuyén n, =(5;-12).
Do do n_;;?2 =15-48 = -33 < 0. Vay phuong trinh phan giac goc nhon tao boi hai duong thang da cho la:
3x+4y—-5 S5x-12y+3
513

& Tx+56y—-40=0.

x=2+t

Vi du 13: Cho duodng thang d : { va 2 diém A(l ; 2), B(-2; m). Pinh m d& 4 va B nim

y=1-3¢t
cung phia d6i véi d .
q q Loi giai:
Phuong trinh tong quét ctia duong thang d :3(x—2)+1(y—-1)=0
hay d:3x+y—-7=0 . A, B cung phia
void < Bx, +y,-7)3Bx,+y,=7) >0 -2(-13+m) >0 m <13
Vi dy 14: Cho dudng thing d :3x—4y—12=0. Phuong trinh cac duong thing qua M (2;-1) va tao véi

d mot goc 45° 1a

Loi giai:
Goi n= (4;B) va A%+ B* #0 1a véc to phap tuyén cta duong thang can tim
A3+B.(-4 34A-4B
Tacs: cosds’ ———] | | :Q:\/E|3A—4B|:5 A+ B
VA +B> 3 +(—4} AL +B5 2
) ) B=174
< TA +484B-7B" =0 <
A=-7B

V6i B=7A4 chon A=1,B=7T=x+7y+5=0
V61 A=-7B chon 4=7,B=-1="7x—y—-15=0

Vi du 15: Trong mit phang Oxy, cho hai duong thing (a’l) 2x—y+5=0 va (d2) x+y—3=0 cit
nhau tai 7 . Phuong trinh duong thang di qua M(—Z;O) cit (a’l),(dz) tai 4 va B sao cho tam gidc /4B
cantai 4 c6 phuong trinh dang ax+by+2=0.Tinh T=a—5b.
Loi giai
d
M
dy

/1 BN\

Duong thang (d,),(d,) c6 véc to phap tuyén lan lugt 1a n = (2;-1), n, = (L1).

Goi (A) 1a duong thang can tim ¢ véc to phap tuyén 1a n= (a;b) .
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Géc gitra 2 dudng thang (d,), (d,) va (A), (d,) xac dinh béi:

(d d) ”1”2 |21—1 l|
cos(d,, —
v n. nz \/22 \llz—l—lz \/70
””z |a+b| |a+b|
cos(A,d,) == = .
( 2> nH \/a +b’ \/12—1—12 ﬁ.\/az—l—bz

Vi (A) ct (dl),(dz) tai 4 va B tao thanh tam gidc /4B cantai 4 nén

a+b
cos(d,,d,)=cos(A,d,) = \/_|\/7|—\/_<:>\/7|a+b|—\/a +b°
a=-2b
S5(a+b) =a*+b* & 2d° +5ab+b* =0 -
a=——
2

+ a=—2b:chon a =2=b=—1: phuong trinh duong thang la:
2(x4+2)—y=0&2x—y+4=0 (L).

1 .
+a= —Eb : chon a =1=>b = —2: phuong trinh duong thang la:
(x+2)-2y=0&x-2y4+2=0 (T/m).Dodé T=a—5b=1-5(-2)=11.
3. Dang 3: Khoing cich tir mot diém téi duwong tl}é‘ing :
Vi du 1:Tim khoang céch tir diem M dén duong thang A

a) M (1;-1), A:3x—-4y-17=0

= 5+4
b) M (L1), A:{x T
y=3-3t¢
x—=1 y+3
M(L-4), Ai—=——
) M(=4), A==
Loi giai
3.1- 4 -1)-17
a) Ap dung cong thirc tinh khoang cach ta c6 d (M,A)= | (1)- | _10 =2.
3 +(—4) 5
x=-5+4¢ _ i
b) A:{ 3 g dua A(-5;3) va c6 vecto chi phuong @ =(4;-3) nén c6 vecto phap tuyen la
y=3-
n=(34).
Phuong trinh tong quat ctia A 1a 3(x+5)+4(y—3):0©3x+4y+3=0.
d+4.1
d(M,A):|3 + +3|:
37 +47
¢) Ta cb A:%*:i & —x41=2y+6 < x+2y+5=0
Do d6 d(M,4) f1+2.(-4)+5 2 245
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Vi dy 2: Trong mit phang Oxy, Cho diém A(1;—1) va dudng thang d :x—2y+1=0

a) Tim d (A’A)
b) Lap phuong trinh duong thing A qua diém A(1;—1) va A song song véi d

Loi giai:

+(2.(D+] 45
JE+(=2) 5

b) Cach 1: Puong thiang d ¢o vecto phap tuyén 1a n= (1; —2) .

2 d(4,d)=1

Puong thang A di qua diém A4 (1; —1) va A song song v6i d nén A nhan n= (1; —2) lam vecto phap
tuyén.

Phuong trinh tong quat ctia dudng thang A 1a (x—l)—2(y+1) =0 x-2y-3=0.

Cach 2: A song song voi d nén A nhan n= (1; —2) 1am vecto phap tuyén. Phuong trinh A c6 dang:
x=2y+m=0(m=#1)

Dudng thang A di qua diém A(1;—1) nén 1.1-2.(-1)+m =0 < m=-3. Vy phuong trinh A 1a
x—2y-3=0.

Vi du 3:Trong mit phing véi hé toa d0 Oxy cho duong thing d:x—2y+1=0 va diém M (2;3).
Phuong trinh duong thing A di qua diém M va vudng goc v6i duong thang d 1a
Loi giai
Céch 1: A vudng goc d:x—2y+1=0=A c6 VIPT la n=(2;1).
A qua M (2;3) nén c6 phuong trinh 1a 2(x—2)+(y-3)=0<2x+y-7=0.
Céch 2: A vudng goc d :x—2y+1=0 nén phuong trinh A c6 dang:
2x+y+m=0
A qua M(2;3) nén 2.2+3+m=0m=-7.
Vay phuong trinh A 1a 2x+y-7=0.

Vi du 4:Hai canh cua hinh chir nhat nam trén hai duong th'fmg d :4x-3y+5=0,d,:3x+4y-5=0,
dinh 4(2; 1).Tim dién tich cua hinh chit nhat
i i Loi giai:
Do diém A khong thudc hai duong thang trén.
D6 dai hai canh k& ctia hinh chir nhat bang khoang cach tir 4 (2; 1) dén hai dudng thang trén, do d6 dién

‘ 42-3.1+5 324415
tich hinh chit nhat bing 52| o parat-s
V8 +3 8243

Vi du 5: Trong mit phing v6i hé toa @ Oxy cho tam gidc ABC ¢6 A(1;2), B(2;3), C(-3;-4).
a) Tim goc giira hai duong thang 4B va BC
b) Tim d¢ dai duong cao ké tir C' cua tam giac ABC
¢) Tim dién tich tam gidc ABC bang
Loi giai
a) Puong thing AB ¢6 vecto chi phuong 1a 4B =(1;1)
Puong thang BC c6 vecto chi phuong la BC = (—5;—7)
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LEHLED 637
V1252 + (-7 37
b)Pudng thing AB di qua A(1;2) vinhan AB=(1;1) 1am VTCP nén 4B:1(x-1)-1(y-2)=0 <
x—y+1=0.

Khi d6 cos(AB,BC) = = (AB,BC) =10"30"

. , < 2R £ \ 2 \ |_3 +a4+ 1|
Khoang céch tir diém C(-3;—4) dén dudng thing 4B 1a: d (C,AB)="——="= V2.

VI 417
1

¢) Dién tich tam gidc 4BC bang: S, = EAB.d(C, AB)= %.\/12 +1242=1.

Vi du 6:Cho hai dudng thang song d, :5x—7y+4=0 va d, :5x—7y+6=0. Tim khoang cach giita d,
va d,
oi giai
-7 4
Ta cé %=—7;é—:>dl//d2

Goi M ed,.Cho x=-5=y=-3,suyra M (-5;-3).
_[5(=5)-7(-3)+6| _ 2
\/52 +(-7) V74
Vi du 7:Tim diém M trén truc Ox sao cho n6 cach déu hai dudng thing: d :3x+2y-6=0 va
d,3x+2y+6=07?

d(dﬁdz):d(A1¢g)

Loi giai:
Vi M trén truc Ox nén M(a;0).
Diém M cach déu hai duong thang: d, :3x+2y—6=0 va d;:3x+2y+6=0 nén

dM ) = dMody = PP g B
s a, ) \/E \/B
3a—6=3a+6
< a=0.

< 3a—6:—(3a+6)

Vay M (0;0).
Vi du 8:Cho hai diém A4(3;—1) va B(O;3). Tim toa d6 diém M trén truc Ox sao cho khoang cach tir M
dén duong thang AB bing AB?

Loi giai:
Ta goi M (a;0),pt AB:4x+3y—-9=0,4B=5
34
4q — ="
:d(MaAB)=5©@=5© 9 :M{%;oj,m(—mo)
a=-4

Vi dy 9:Cho hai diém 4(1;2) va B(4;6). Tim toa d diém M trén truc Oy sao cho dién tich tam gidc
MAB biang 1?

Loi gidi:
AB =5, Goi M(O;m)

Vi dién tich tam gidc MAB bﬁng 1=d (M, AB) = %,
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E
am-11] 2 |77
AB:3x+4y-11=0"———=—=
> _2
4
Vi du 10:Viét phuong trinh ciia duong thing qua P(2; 5) va cach Q(S;l) mdt khoang bang 3 )
Loi giai:

Aqua P(2;5)= Ata(x—2)+b(y—5)=0< ax+by-2a-5b=0

|5a+b—2a—5b| T
d(Q,A)=3< =3 3a—-4b|=3Va +b
Ay L
b=0
& 24ab+7h =0 & 24 .
b:7(1
Véi b=0,chon a=1=>A:x=2

Voi bzga,ch()n a=T7=>b=24——>A:7x+24y-134=0

Vi du 11:Cho hai duong thing song d :5x-T7y+4=0vad,:5x-7y+6=0. Viét phuong trinh duong
thang song song va cach déu d, vad,
Loi gidi
Goi la d duong thang song song va cach déu d, va d,.
Suy ra phuong trinh d c6 dang: 5x—7y+c¢=0 (c#4, c#6)
|c—4| |c—6| {c—4=c—6
= =

N N e e
Vay d: 5x-T7y+5=0.

Vi du 14: Cho tam gidc ABC ¢c6 AB:2x—y+4=0; AC:x—-2y—-6=0.Bva C thudc Ox . Phuong trinh
phan giac ngoai cua goc BAC 1a

Mit khac: d(d;d,)=d(d;d,) < Sce=5

Loi gidi:

Do B,C e Ox=> B(-2;0),C(6;0)Goi M (x;y) thudc duong phan giac cua goc BAC

|2x—y+4| B |x—2y—6|
NN

Tacod: d(M,AB)=d(M,AC) < Sl2x—y+4|=[x-2y-6

x+y+10=0

3x-3y-2=0
Khi d6: (-2+10)(=6-2)<0 nén 3x-3y-2=0 la duong thang can tim
Vi du 15: Cho ba diém A(2;4); B(-1;2) va C(3;-1). Viét phuong trinh dudng thang di qua B dong thoi
cach déu A va C.

Bai gidi:
Gia st d qua B(-1;2) va ¢ vecto phap tuyén n= (a;b)
= d c6 dang: ax+by+a-2b=0

Vi d cach déu hai diém A va C
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2a+4b+a-2b| |3a—b+a-2b|
\/6124—172 B \/a2+b2

< [3a+2b|=|4a-3b| |
{3a+2b=4a—3b [a=5b

d(A4,d)=d(C,d) =

R f—
3a+2b=—(4a-3b) Ta=b

V61 a=5b, chon b=1,a=5 ta dugc phuong trinh d : 5x+y+3=0
V&1 7a=b, chon a=1,vb=7, ta duoc phum}g trinh d : x+7y-13=0
Vay c6 hai duong thang thda man yéu cau bai toan la 5x+y+3=0 va : x+7y-13=0
Vi du 16: Trong mit phang v6i hé toa d6 Oxy, cho hai diém A(L;1), B(-2;4) va dudng thing
A:mx—y+3=0.Tim tit ca cac gi4 tri ciia tham s6 m dé A cach déu hai diém 4, B.
Loi giai

15
Goi I 1a trung diém doan 4B — ( 2’2)
AB=(-3;3) > i, =(L1)

Khi d6: A:mx—y+3=0 (ii, =(m;-1)) cach déu 4,B

fea M3 3.0 [m=1
Slm -1 2 2 =

J— JRE— m:—l.

1 1 m=-1

Vi du 17: Trong mit phang toa do Oxy, goi d la dudng thang di qua M (4;2) va cach diém A(1;0)
5 r 3\/E <K M 3\ \ M r 7. \ . A
khoang cach 0 Biét rang phuong trinh duong thang d c6 dangx+by+c=0 véi b,c 1a hai soO

nguyén. Tinh b+c.
Loi giai

Taco: M(4;2)ed < 4+2b+c=0=>c=-4-2b. (1)

1+d 340

o 10 & 10(1+¢)’ =9(1+5b%). (2)
+

d(4,d) =

b = —3(tmdk)

Thay ¢ =-4-2b vao PT (2) ta dugc PT: 316° +1206+81=0 < 27
b= —z(ktmdk)

=>b=-3,c=2=b+c=-1..
Vi du 18: Trong mat phéng toa d0 Oxy cho A:x—y+1=0 va hai diém A(2; 1), B(9; 6). Piém
M (a; b) nam trén dudng A sao cho MA+ MB nho nhét. Tinh a+».
Loi giai

Goi A’ dbixtmg 4 qua d tacod A4'(0;3) khi d6 diém M = A'Bnd

Tim dugec M (3;4).
Vi du 19: Trong mit phing vé6i hé toa do Oxy, cho duong thang d:x—4y+15=0 va diém A(Z;O).
Tim toa d6 diém M thudc d dé doan AM c6 d6 dai nho nhat.

Loi giai
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Piém M ed < M(4t-15;t)

Taco: AM = |(4t-17) +# = [17(# ~8t+17) :\/17[(1‘—4)2 +1]2V17, vieR.

= min AM = V17 , dat duge tai ¢ = 4. Khi d6 M (1;4).

Vi du 20: Cho 3 diém A(—6;3);B(0;—1);C(3;2). Tim M trén duong thang d:2x—y—-3=0 ma
m+m+M—C|nh6 nhét 1a

Loi giai

Tim toa d6 diém ](x;y) sao cho IA+IB+IC =0. Suy ra I(—l;gj

Ta cb: MA+MB+MC =3MI +14+ 1B+ IC

|m +MB +M—C| = 3|M| . Vay |m + MB + MC|nhé nhat khi |M| nho nhét.
|]\7f | nho nhat khi M 13 hinh chiéu vuéng goc ciia I xudng duong thing d .
Puong thing d’ di qua I va vudng goc voi d c6 phuong trinh: x+2y =§

2x—y=3

M 1a giao diém ctia d va d' nén M 13 nghiém cua hé: 5= M[_—B,Ej

X+2y=— 15 15
3

Cdch 2:

M thudc d suyra M (£;2+3)

MA+ MB +MC = (-3-3t;—6t —5)

M+ MB + MC| = \|(-3-3t)" +(~6-5t)

VA 1 B 4. MO p 13) 1

MA+MB + MC| =45 + 78t + 34 = |45 TR

MA+ MB + MC| nho nhat khi z:—%. Suy ra M(_l—?%j

Vi du 21: Trong mit phing v6i hé toa 46 Oxy, cho tam giac ABC c6 dinh A(2;2), B(1;-3),
C(—2;2) . Piém M thudc truc tung sao cho |m +MB +M—C| nhé nhét co tung do 1a?
Loi giai
Goi G(a;b) 1a trong tim tam giac ABC. Suy

a:xA+xB+xC a:2+1—2 a:l .
ra 3 = S s 3:>G(—;—j.
b:yA+yB+yC b=2—3+2 b:l 33
3 3 3

Ta c6: ‘mﬂlﬁﬂ\% :\W+@+W+@+W+G_€\=\3m\:w@
Suy ra |1\Z1’+1\79+ATC nhé nhét khi MG nhé nht.

Mat khac M thudc truc tung nén MG nho nhét khi M 1a hinh chiéu cia G 1én truc tung.
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Vay M(O;%).

Vi du 22: Trong mit phang toa 46 Oxy cho A:x—y+1=0 va hai diém A(2;1), B(9;6). Piém
M (a;b) nam trén duong Asao cho MA+ MB nho nhét. Tinh a + b ta duoc két qua 1a:

Loi giai
Goi A’ 1a diém d6i ximg ctia A qua duong thang A
B
A1
‘A 7Y
- H /Mn M
AV

Taco: MA+MB=MA'+MB> A'B

Dang thic xdy ra < M trung véi Mo (Mo 1a giao diém cua Ava A’B)
Tacd: AA' LA nén n,, =a, =(11)

(AA'):x+y—3=0

Goi H=AA'"A= H(1;2)

Vi A’ d6i xtmg v6i A qua Anén H 1a trung diém AA’ = A'(0;3)

Dudng thang A’B qua B c6 VICP A'B=(9;3)=3(3;1)=n,, = (1;-3)
=A'B:x-3y+9=0

x—y+1=0

Toa dd My thda hé: { <M, (3;4)

x—3y+9=0

= M(3;4). Vay a+b=7
Vi du 23: Trong mit phang véi hé toa dd Oxy ,cho tam gidc ABC c6 dinh A(2;2) va trung diém
cua BC 12‘1](—1;—2). Piém M(a;b) théa man 2MA+MB+MC =0.Tinh S=a+b.

Loi giai
Goi K trung diém A4 = K(%;Oj.
Tacd 2MA+MB+MC =0 < 2MA+2MI =0 < 4MK =0 =& M =K
1

:>a+b:l+0:—.
2 2

Vi du 24: Trén mit phang Oxy, cho hinh vuéng 4BCD. Goi M 1a trung diém cua canh BC,
N 1a diém trén canh CD sao cho CN =2ND. Gia st M (%,%} va duong thang AN co

phuong trinh 2x—y—-3=0. Goi P(a;b) 1a giao diém cua AN va BD. Gia tri 2a+b bang:

Loi giai
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C

Ta ching minh dugc MP 1. AN, nén P la hinh chiéu cia M trén AN .

(Thét vy gén hé truc toa o Dxy, D(0;0),C(10),B(1;1), 4(0;1). Khi d6 M(l;%};N(%;O).
Phuong trinh dudng thing BD: y = x. Phuong trinh dudng thing AN :3x+y=1.

Piém P(i,%) Khi do W’=(_T3;_le;ﬁ=(%;—1]:VP.W=O:>MPJ.AN (dpcm).

Phuong trinh dudng thing MP qua M va vudng goc véi AN 1a x+2y— g =0.
2x—y=3 = 5

P 1a giao diém MP va AN nén toa d0 P la nghiém hé 13& 2.
X+ 2y = 7 y= )

Tu do: az%, b=2=2a+b=7.

Vi du 25: Trong mit phing toa dd Oxy, cho tir gidc ABCD ndi tiép dudng tron duong kinh
BD.Goi M, N lan lugt 1a hinh chiéu vudng goc cia 4 1én BC va BD; goi P la giao diém
cia MNva AC. Biét duong thang AC c6 phuong trinh x—y—1=0,M (0;4),N(2;2) va
hoanh d¢ diém 4 nho hon 2. Tim toa d0 cac diém P, 4, B.

Loi giai

* Ta chimg minh P 1a trung diém cua AC .
That vay: do cac tir gidke ABMN , ABCD 1a céc tir gidc noi tiép nén AMP = ABN = ACD
Lai do: AM //CD (cing vudng goc v6i BC ) nén ACD = CAM = PAM = PMA

= APAM céantai P = PA=PM .DPong thdi APCM can tai Pnén PC = PM
= PA=PC hay P la trung diém cta AC .

-Tacé: mz(Z;—2):>du(‘)’ngth§ng MN c6 phuong trinh: x+y—-4=0
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5
7 —y-1=0 )
biém P c6 toa dd la nghi¢m cua hé e & 2:P: 253
x+y—-4=0 3 22
2

5 5
3.5
=5
o 22 @{a =a=0=A=(0;-1)= C=(5;4)
_2__3 [a=0
2 2

-Do BC diqua M (0;4) va C(5;4) nén BC c6 phuong trinh: y—4=0.
- Lai co: AN = (2;3) 1a vecto phap tuyén ciia BD nén phwong trinh BD la: 2x+3y-10=0.

NP . A , n . y- 4=0 x=-1
Toa d§ diem B 1a nghiém cua h¢ phuong trinh:

o = B=(-1;4).
2x+3y-10=0

y=4

Vay p@%}, A(0:-1), B(=1:4).

Vi du 26: Puong thing d : £+%:1 , (a#0;b#0) di qua M(-1;6) tao voi tia Ox,Oy mot
a

tam giac c6 dién tich bang 4. Tinh § = a +2b.
Loi giai
d diqua M(-1;6) < _71+§=1 (1).
Puong thing cét tia Ox tai A(a;0),a>0=04=a.
Pudng thing cit tia Oy tai B(0;b), b>0= OB =b.

AOAB vuong tai O nén c6 dién tich la %OA.OB = %ab.

Theo dé %ab =4 ab=8 (2).

Tu (1),(2) suyra: a=2;b=4=S=a+2b=10.

4. Bai toan thuec té:

Vi du 1: Nhan dip nghi hé, Nam vé qué ¢ v6i 6ng ba ndi. Nha 6ng ba ndi c6 mot ao ca co dang hinh chir
nhat ABCD véi chiéu dai AD = 15m, chiéu rong AB = 12 m. Phan tam giac DEF 14 noi 6ng ba nudi vit,
AE =5m, CF = 6m.

a.Chon h¢ truc toa do Oxy, co diém O trung voi diém B, cac tia Ox, Oy tuong Ung trung véi cac tia BC,
BA. Chon 1 don vi d0 dai trén mat phéng toa do tuong Gng véi 1m thuc té. Hay xac dinh toa do cua céc
diém A, B, C, D, E, F va viét phuong trinh dudng thang EF.

b. Nam dimg o vi tri B cdu ca va c6 thé quang ludi cdu xa 10,7 m. Hoi ludi cau c6 thé roi vao noi nudi vit
hay khong?
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Hinh 7.11

Hudéng dén giii:

12
- F

i >

a.Toa do cac diém: A(0; 12), B(0; 0), C(15; 0), D(15; 12), E(5; 12), F(15; 6)
Puong thing EF ¢6 vecto chi phuong EF = (10;—6) . Chon vecto phap tuyén 1a: n= (3;9)
~ Phuong trinh tong quét cua duong thang EF 1a: 3(x - 5) + 5(y - 12) = 0 hay 3x + 5y - 75 =0.
b. B¢ ludi cau co thé roi vao noi nudi vit thi 10,7 phai 16n hon khoang cach tir B dén duong thang EF.

. . =75
Khoang cach tur B dén duong thang EF 1a d(B, EF) = u =12,87>10,7.

V3 + 5

Vay luoi cau khong thé roi vao noi nudi vit.

Vi du 2: Trong mat phrfmg toa do, mot tin hi¢u am thanh phat di tr mot vi tri va dugc ba thiét bi ghi tin
hiéu tai ba vi tri O(0; 0), A(1; 0), B(1; 3) nhan dugc cung mot thoi diém. Hay xéc dinh vi tri phat tin hiéu
am thanh.

Bai gidi:

Goi diém phat tin hiéu 13 I(x; y). »
Do vi tri I déu duogc ba thiét bi ghi tin hi¢u tai O, A, B nhan duoc cung mot thoi diém nén: 10 = IA = IB.
Ta co:

10 = \/xz +y2
IA=(x=1+y’

IB =J(x—1)* +(y-3)’
Vi IO = IA = 1B, nén ta c6 hé phuong trinh:

X =

x4y =(x-1)7+)° 2x=1
= =
X+ =(x=-1)*+(y-37 [(2x+6y=10 b=

W N =

Viy diém can tim 1a 1(%;%).

Vidu 3: Co hai con tai A va B cing xuét phat tir hai bén, chuyén dong déu theo dudng thang ngoai bién.
Trén man hinh ra da cda tram diéu khién (dugc coi nhu mat phang toa do Oxy vdi don vi trén cac truc
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tinh theo ki - 16 - mét), sau khi xuat phat t (gid) (t0), vi tri cua tau A c6 toa do duoc xac dinh boi cong

y==-2+15¢
a. Tinh cosin goc gitra hai duong di cua hai tau A va B.
b. Sau bao lau ké tir thoi diém xuat phat hai tiu gan nhat?
c. Néu tau A dung yén & vi tri ban dau, tau B chay thi khoang cach ngin nhét gitra hai tau bang bao
nhiéu?
Bai giai:

, X :1_30t . , ” \ e A 1N
thire: , vitri cuatau B co toadd la (1-10¢,—4+17¢)

ch e C . x=1-30¢

a. Gia srduong dicuatau Alad; = d,:
y==-2+15¢

. o A A . 5 x=1-10¢

B co toado 1a (2—-10¢;5+ 25¢) nén B thudc duong thang d, :
y=—4+17t

di c6 vecto chi phuong uT =(-21)
d> ¢6 vecto chi phuong uj =(—10;17)

|(2).(-10)+1.17|
JE22 + 1P J(-10)> +172

b. Ké tir thoi diém xuat phat hai tau gan nhat, khi hai tau gip nhau.

=0,84.

cos(d,,d,) =

Phuog trinh téng quat cia d; 1 x—_()lzyl—_;zax—1=—2(y+2)<:>x+2y+3=0

Phuog trinh téng quat ciia d> 1 X—_O1= le;4 S 17(x=1)=-10(y +4) < 17x+10y+23 =0
__2
o [xk 2y =3 E
Toa dd giao diém cua dyva dzla nghi¢ém cia hé &
17x+10y =-23 7
y=—-=
6
) 7 _—2=1—3Ot |
Thé x=—-=,y=—= vio phuong trinh dudng thang d; ta duoc 3 =>t=—.
3 6 =7 18
?:—2+15t

Viy hai tau gan nhét sau khi xudt phat khoang 3,33 phut. ’ ‘

c. Khi tau A dung yén & vi tri ban dau = A(1;-2). Khi dé khodng cach ngan nhat giira tau A va tau B bang

d(A; (d2))

d,:17x+10y+23=0
[17.1+10(-2)+23| |

V17?4107
Vay khoang cach ngan nhat gitra hai tau bang 1,01 km.

d(4.d,) ,01.

C. BAI TAP TRAC NGHIEM: ]
1. Vi tri twong doi ciia hai duwdmng thang.

Phan 1:
Cau 1: C6 bao nhiéu cip duong thing song song trong cac dudng thing sau?
1 1 1 2
d):y=——F>7=x-2; (d,):y=—=x+3; (d;):y==x+3; (d,):y=——"x-2
(d)):y 5 (da):y==7 (d:):r=7 (d):v==-=
A. 3. B. 2. C. 1. D. 0.

Loi giai
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Cau 2:

Cau 3:

Cau 5:

Chgon D

. a,=a
Hai duong thang y=a,x+b, va y=a,x+b, song song voi nhau khi va chi khi {bl bz .

1 # 2
Trong cac dudng thang trén khong co dudng nao thoa man. Vay khong cé cip duong thang nao
song song.
Phuong trinh nao sau day 1a phuong trinh dudng thiang khéng song song véi duong thing
d:y=3x-2
A. 3x+y=0. B.3x-y-6=0. C.3x-y+6=0. D.3x+y-6=0.
Loi giai

Chon D
d:y=3x-2&3x-y-2=0.(d) c6 VTPT n=(3;-1).
Puong thing 3x+y-6=0 c6 VIPT n, =(3;1)# kn nén n va n, khong cing phuong. Do d6

dudng thang 3x +y—6 =0 khong song song véi dudng thang (d).

Trong mit phiang Oxy, duong thing d :x—2y—1=0 song song vdi duong thing co phuong

trinh nao sau day?

A, x+2y+1=0. B. 2x—y=0. C. —x+2y+1=0. D. 2x+4y-1=0.
Loi giai

Chgon D

Ta kiém tra lan lugt cac duong thing

A)Véid :x+2y+1=0cod %i%:d cat d ,.

A)Véid ,:2x—y=0co %i_—;:dcét d,.

A)Véid ;i—x+2y+1=0co _lei;t%:d‘m‘mg d,.

: 1 -2 -1
.+)V(’)’1d4:—2x+4y—1:0cé—=7¢—1:>dsongsongd4.

Cho cac duong thang sau.

B3

dlzy:ix—2 dzzy:LxH d3:y:—(l—§Jx+2 d4:y:7x—1

V3 V3

Khiang dinh nio dung trong cac khang dinh sau?

A. d,,d,,d,song song vdi nhau. B. d, va d,song song voi nhau.

C. d,va d,vuong goc voi nhau. D. d, va d, song song vdi nhau.
Loi giai

Chon B

3

Vi d, ;y:_(l—TJx+2:Lx+1:>d3 =d, . Puong thang d, va d, co hé s goc bang

3

nhau;hé s tu do khac nhau nén ching song song.

Tim céc gia tri thyc cia tham sé m dé dudng thing y = (m2 —3)x +3m+1 song song vd&i
duong thang y=x—5.

A.m=%2. B. m=+2. C.m=-2. D. m=2.
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Cau 6:

Cau 7:

Loi giai
Chgon D
Pé dudng thing y =(m’ —3)x+3m+1 song song voi dudng thing y=x-5 thi diéu kién la

m>-3=1 m=12
= Sm=2.
3m+1#-5 m#—2

Toa d9 giao diém ctia hai duong thang x—3y—6=0 va 3x+4y—-1=0 1a

27 1 27 1
A. —7;——7]. B. (-27;17). C. [——7;—7 : D. (27;-17).
137 13 13713
Loi giai
Chgn A
Ta c6 toa d6 giao diém cua hai duong thing x—3y—6=0 va 3x+4y—1=0 la nghiém cia hé
L
~3y-6=0 13
phuong trinh N = 13
3x+4y-1=0 _ 17
3

Cho dudng thang d, :2x+3y+15=0 va d, : x—2y—3=0. Khing dinh nio sau ddy ding?
A.d vad, cit nhau va khong vudng goc v6i nhau.
B. d, va d, song song voi nhau.
C. d, va d, trung nhau.
D. d, va d, vudng goc v6i nhau.
Loi giai
Chgn A
Puong thingd, :2x+3y+15=0 c6 mot vecto phip tuyén 1a n =(2;3) va duong thing

d,:x—2y-3=0 c6 mot vecto phap tuyén la n, =(1;-2).
Ta thdy %i_iz va o, =2.143.(-2)=—4#0.

Vay d, va d, cat nhau va khong vuéng goc véi nhau.

Hai dudng thang d, :mx+y=m—5,d, :x+my =9 cat nhau khi va chi khi

A.m#-—1. B. m=#=1. C. m=#+l. D. m#2.
Loi giai

Chon C

CACH 1

Xét m=0 thi d; :y=-5, d, :x =9. R0 rang hai duong thang nay cit nhau nén m =0 thoa
man .

Xét m#0 thid,:y=—-mx+m-5va d,:y=—2+9
m

. . #0
Hai duong thang d, va d, cat nhaut< —m # L " (2).
m m =+l

Tu va taco m==*1.
CACH 2

Trang 20/12



d, va d, theo thtr ty nhan cac vecto 7, = (m;1), i, = (1;m) lam vec to phap tuyén.
d, va d, citnhau < 7i; va i, khong ciing phuong <> mm #1.1< m # £1.
Cau9: Vi gia tri ndo cia m thi hai duong thang

d :3x+4y+10=0 va d,:(2m—1)x+m’y+10=0 trung nhau?

A.mt2. B. m=+1. C.m=2. D. m=-2.
Loi gidi
dy:(2m=-1)x+m’y+10=0 ,_, 2m—-1_m* 10
d :3x+4y+10=0 T3 4 10
2m—1=3
5 S m=2.
m =4

Ciu 10: Trong mit phang voi hé toa dd Oxy, cho hai duong thing co6 phuong trinh
d, :mx+(m—1)y+2m:0 va d, :2x+y—1=0.Néu d, song song d, thi:

A.m=2. B. m=-1. C. m=-2. D. m=1.
Loi giai
dlzmx+(m—1)y+2m=0 e, m_m=1_2m
d,:2x+y—1=0 21—
-1#2
= S m=2.
m=2m-2
A N R s o2y 2 . x=2-3t ,
Cau 11: Tim m dé hai duong thang d, :2x-3y+4=0va d,: cat nhau.
y=1-4mt
1 1 1
A, m#——. B. m#2. C. m#—. D. m=—.
2 2 2

Loi gidi

ﬂﬂf_)“_m#ﬁ@m;a%.cmnc

d :2x-3y+4=0 i = (2:3)
—>
i, = (4m;=3) 2 3

g x=2-3t
2ly=1-4mt

Cau 12: Vi gia tri nao ctia a thi hai duong thing

d2x—dyslo0vad T 5ng g6c véi nhau?

LLX — +1= va . vuon OC VO1 nnhau/

! Y 2 y=3—(a+1)t £8

A. a=-2. B. a=2. C.a=-1. D. a=1.
Loi giai

d:2x—4y+1=0 -
x=—1+at nl:(l;_z) dildy, oz 5 — _
= —>1 ——=>5n-n,=0a+1-2a=0a=1.
)t n, = a+1;a)

PR

y:3—(a+1
Chon D

Cau 13: Vi gia tri ndo cta m thi hai duong thang

x=-2+2t x=2+mt
d : vad,: trung nhau?
y=-3t y:—6+(1—2m)l
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A.mZE. B. m=-2. C.m=2. D. m#+2.
Loi giai
x=-2+2t _
Ly =373 Aed,
—=h S l—om e m=2.
x=2+mt =
d,: — A(2;,-6) ed,, i, =(m;1-2m) 2 -3
y=—6+(1—2m)t
Chon C
Cau 14: Tim tit ca cac gia tri ciia m dé hai duong thang
xX=2+2t .
d : va d, :4x—3y+m =0 trung nhau.
y=1+mt
4
A. m=-3. B. m=1. C.mZE. D.med.
Loi giai
x=2+2t —
d : —)A(2;1)edl,ﬁl=(2;m) i Aed, S+m=0
y=1+mt —I=2 500 e g o med.
d,:4x=3y+m=0—>ii, =(3;4) 34 3

Chon D
Cau 15: Vi gia tri ndo ctua m thi hai duong thang

d :2x+y+4-m=0 va d,:(m+3)x+y+2m—1=0 song song?

A.m=1. B. m=-1. C. m=2. D. m=3.
Loi giai
. d :2x+y=0 .
Véi m=4—— ——d Nd, #J——> loat m=4.
d,:Tx+y+7=0
Véi m#4 thi
d:2x+y+4-m=0 al, m+3 1 —2m-1 m=—1
—12 == = S m=-1.
dzz(m+3)x+y—2m—1=0 2 1 4-m m# -5
Chon B
Cau 16: Tim tit ca cac gia tri ciia m dé hai duong thing
A, :2x-3my+10=0 va A, :mx+4y+1=0 cit nhau.
A. 1<m<10. B. m=1. C. Khoéng c6 m . D. V6i moi m .

Loi gii
A:x+5=0

.Chon D
A, :mx+4y+1=0

MmO tomen 2 T3 g
m 4

Cau 17: Vi gia tri ndo cta m thi hai duong thang
A imx+y=19=0va A, :(m—1)x+(m+1)y—20=0 vudng goc?

A. V&1 moi m . B.m=2. C.Khong cod m . D. m=+1.
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Loi giai
A imx+y—19=0— 7, =(m;])
Taco:
A, (m=1)x+(m+1)y-20=0—>7, =(m—1;m+1)

ALLA, }m(m_1)+1(m+1):0<:>me®.

Cau 18: Vi gia tri nao ctia m thi hai duong thang
d :3mx+2y+6=0 va d, :(m2+2)x+2my+6=0 cét nhau?
A. m#—1. B. m=#1. C. meR. D.m#1 va m#-1.
d1:3mx+2y+6:0—>ﬁ1:(3m;2)
Ta co:
dy:(m* +2)x+2my+6=0—>ii, = (m’ +2;2m)

d:y+3=0 .
m=0— — m = 0(thoali madn)
_)

d,:x+y+3=0 . Chon D
2
m#0—4nd=u +29&2—m©m#i1
3m 2
Cau 19: Vi gia tri nao ctia m thi hai duong thang
. x=2-3t ) .
d :2x-3y-10=0 va d,: vuodng goc?
y=1-4mt
A.mzl. B.ng. g.m:—g. D.mz—é.
2 8 8 4

Loi giai

d1:2x—3y—10:0—>ﬁ1:(2;—3)

x=2-3¢ _
d,: — 71, = (4m;-3)
y=1-4mt
ﬂz—>2.4m+(—3).(—3)=o@m=—% Chon C
Cau 20: Vi gia tri ndo ctua m thi hai duong thang
. x=1+2t
d :4x-3y+3m=0 va d,: trung nhau?
yv=4+mt
A.m:—ﬁ. B. m=—. C.mz—i. D.mzi.
3 - 3 3 3

d :4x—=3y+3m =017, =(4-3)

d, :{ Y a4y ed,, i =(m2)
y=4+mt

Aed, 3m

di=d,

8=0
— > m 2 8 <:>m=§.ChQnB
3

4 3 3
Cau 21: Vi gia tri ndo ctia m thi hai duong thang

d :3mx+2y—-6=0vad, :(m2 +2)x+2my—3=0 song song?
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A - m=1m=-1. B.med. C.m=2. D. m=-1.
Loi giai
d,:3mx+2y—6=0— 7, =(3m;2)
Ta co 5 = 5
d, :(m +2)x+2my—3=0—>n2 =(m +2;2m)
d:y-3=0

m=0— — m = 0(khoang thoall madn)
N d,:2x+2y-3=0

. Chon A.
, )
m# 0—4l% , Jr22—27/”7&—3<:>m:i1

3m 2 -6

Cau 22: Vi gia tri nao ctia m thi hai duong thang

dl_{xzs—(mﬂ)z

: 0 va d, :mx+2y—14=0 song song?
y=10+¢

m=1
A{ . B. m=1. C.m=-2. D.med.
Loi giai

—8—(m+1
dl:{x ()t 4 s10)ed, 7 = (Lm+1)

Ta co: y=10+¢
d, mx+2y—14=0—> 7, =(m;2)
A¢d,
i, =(L1) choAnathoad mad 8m+6+0 |
= m:
we || m=0— ﬁ2=(0-2)_) oangthoalimadn _ | ., o <:{ _Chon A
) m=—
m=1

m

Cau 23: Vi gia tri nao ctia m thi hai duong thang
d:(m=3)x+2y+m’—1=0 va d,:—x+my+m’ —2m+1=0 ct nhau?
m#1 m#1
A. m#1. B. . C.m=#2. D. .
m#2 m#2
Loi giai
{dlz(m—3)x+2y+m2—1:0

d,:—x+my+m’—2m+1=0

i d:-3x+2y-1=0 .
m=0— — thoal madn

d,:—x+1=0
—Aod=M ? | . Chon B
m¢0—>m—_3#£<:> "
-1 m m#?2

Cau 24: Vi gia tri ndo ctia m thi hai duong thang

A x=m+2t y A x:1+mtt‘ hau?
: va A, rung nhau?
Uy =t (m 1) ly=m+t 8
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4
A. Khong c6 m . B.ng. C.m=1. D. m=-3.
Loi gidi
xX=m+2t ,
A —>A(ml)ed, u, =(2;m" +1
! y=1+(m2+l)t (m1)ed,, ( ) o Aed,
| — > \m 1
x=1+mt — =3
. = 2 m +1
Az.{y=m+t i, =(m1) -Chon C
m=1+mt m:1+m(1—m) m?—1=0
S l=m+t¢t & 5 & oS m=
. (m-1)(m* +m+2)=0 " [m-1=0
m+m—-2=0

Cau 25: Tim toa do giao diém cua hai duong thing 7x—3y+16=0 va x+10=0.
A. (~10;-18). B. (10;18). C. (-10;18). D. (10;-18).
Loi giai

d :Tx-3y+16=0 x=-10
= . Chon A

d,:x+10=0 y=-18

Cau 26: Tim toa do giao diém cua hai duong thang
_{x=—3+4t ‘ '{x:1+4t'

o vad,: -
y=2+5t¢ y=T7-5t
A. (1,7). B. (-3;2). C. (2;-3). D. (51).
Loi gidi
x=-3+4¢
1 ' ’ —d, x=1
y=2+5¢ —3+4t=1+4¢ t—-t'=1 |t=1—"">
= , & , & y="7.Chon A
x=1+4¢ 2+5t=T7-5t t+t' =1
50 , t'=0
y=7-5t
A o 2 ‘ x=22+42t TP S
Cau 27: Cho hai duong thang d,:2x+3y—-19=0 va d,: 5.5 Tim toa d¢ giao diém cua hai
Y=o+
duong thing di cho.
A. (2;5). B. (10;25). C. (-17). D. (5;2).
Loi gidi

d 2x+3y-19=0

=2
{x:22+2t %2(22+2t)+3(55+5t)—19=0@z=—10—>{x

y=35

R

y=55+5¢
Chon A

Céu 28: Trong mit phang voi hé toa dd6 Oxy, cho hai diém A(-2;0), B(1;4) va duong thang

x=—t ; ,
d: { 5_g’ Tim toa do giao diém cua duong thang AB va d .
y=z-

A. (2;0). B. (-2;0). C. (0;2). D. (0;-2).
Loi giai
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A(-2;0), B(1;4) > AB:4x-3y+8=0

{x ——¢ ABNd {

4x-3y+8=0 {x=2

—>d:x—y+2=0 x—y+2=0 y=0

y=2-t
Chon B

, , x=—-1+¢t . ,
Ciu 29: Xaéc dinh g dé hai duong thang d,:ax+3y—-4=0 va d, :{ 3437 cat nhau tai mot diém
y=>5+

nam trén truc hoanh.

A. a=1. B. a=-1. C.a=2. D. a=-2.
Loi gidi
x=—1+t x=-2
Oxnd, <> =S — Oxnd, = A(-2;0) ed,
y=3+3t=0 y=0

—-2a-4=0&a=-2. Chon D

. . . . x=2+t
Cau 30: Tim tat ca cac gia tri clia tham s6 m d¢ hai dudng thang d, : 4x +3my—m’ =0 va d, :{ 6491
y=6+
cit nhau tai mot diém thudc truc tung.
A. m=0 hoac m=-6. B. m=0 hoac m=2.
C. m=0hoac m=-2. D. m=0 hodc m=6.
Loi giai

—Oynd,=A4(0;2)ed,

x=2+t=0 x=0
Oynd, &

y=06+2t y=2

¢36m—m2=0¢>t:_Q(HmnD
Cau 31: Cho ba duong thang d,:3x-2y+5=0, d,:2x+4y—-7=0, d,:3x+4y—1=0. Phuong trinh
dudng thing d di qua giao diém cia d, va d,, vasong song voi d, la:
A. 24x+32y-53=0. B. 24x+32y+53=0.
C. 24x-32y+53=0. D. 24x-32y-53=0.
Loi giai
3

d 3x—2y+5=0 |*7
! d N 8 sdnd, =4[ =231 Tacs
d,:2x+dy-7=0 " | 31 8’16

16

{Aed {Aed 9 31 53

- >—+—+c=0c=——.
d|d,:3x+4y—-1=0 d:3x+4y+c=0(c¢—1) 8 4 8

Vay a’:3x+4y—§=0<:>d3 :24x+32y—-53=0. Chon A

Céu 32: Lap phuong trinh cua dudng thing A di qua giao diém cua hai dudng thing d:x+3y-1=0,
d,:x=3y-5=0 va vudng goc voi duong thing d,:2x—y+7=0.
A. 3x+6y-5=0. B. 6x+12y-5=0.
C. 6x+12y+10=0. D. x+2y+10=0.
Loi giai
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d:x+3y-1=0 |*73 2
= 2 —>d nNnd,=4|3;——|. Tacod
d,:x-3y-5=0 y=——= 3

Aed Aed 2 5
- —3+2| ——|+c=0&c=——.
dld,:2x-y+7=0 d:x+2y+c=0 3 3

Vay d:x+2y—§=0<:>d:3x+6y—5:0.Ch9nA

Cau 33: Trong mit phing véi hé toa do Oxy, cho ba duong thing lan Iuot co phuong trinh
d :3x-4y+15=0, d,:5x+2y—1=0 va d, :mx—(2m—1)y+9m—13=0. Tim tat ca cac gid
tri cia tham s6 m dé ba duong thang da cho cung di qua mot diém.

A.m:%. B. m=-5. C.mz—é. D. m=5.

. |d,:3x—=4y+15=0 x=-1
Ta c6: =S —d nd, = A(-1;3)ed,
d,:5x+2y-1=0 y=3

—>-m—-6m+3+9Im—-13=0< m=5. Chon D
Cau 34: Néu ba duong thing
d:2x+y-4=0,d,:5x-2y+3=0vad,:mx+3y—-2=0

dong quy thi m nhén gi4 tri nao sau day?

A2 B -2,

. C. 12. D. —12.
5 5

Loi giai

6
9

{dl: 2x+y—4=0

xX==
=
d,:5x-2y+3=0 3

5
Z dAd, =A(§;%jed3

om0 0<>m=-12. ChonD
9 3
Cau35: V6i gia tri ndo cia m thi ba duong thing d :3x—4y+15=0, d,:5x+2y—-1=0 va
d,:mx—4y+15=0 dong quy?
A. m=-5. B. m=5. C. m=3. D. m=-3.
Loi giai

d 3x—4y+15=0 x=-1
& —d nd,=A(-1;3)ed

d, 5x+2y—-1=0 y=3
—>-m—-12+15=0< m=3. Chon C
Cau36: V6i gia tri nao cia m thi ba dudong thang d:2x+y-1=0, d,:x+2y+1=0 va
d,>mx—y—-T7=0 dong quy?

A. m=-6. B. m=6. C.m=-5. D. m=5.
Loi giai
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d:2x+y-1=0 x=1
=S —>d nd,=A(,-1)ed, &m+1-7T=0=m=6.
d,:x+2y+1=0 y=-1

Chon B
Céu 37: Duong thang d:51x—30y+11=0 di qua diém nao sau day?

A. M(—l;—ij. B. N(—l;ij. C. P(l;éj. D. Q(—l;—ij.
3 3 4 4

Loi giai

f(M)zf(—l;—%)zO—)Med

Pt f(x;y)=51x-30y+11—> f(N)=f(—l;§j=—80¢0—>N¢d,
f(P)
f(0)#
Chon A
Phan 2:

Cau 1: Vi trf twong d6i cua hai duong thang lan luot c6 phuong trinh %—% =2 va 6x-2y-8=0

A. Song song. B. Cit nhau nhung khong vudng goc voi nhau.
C. Trung nhau. D. Vudng goc véi nhau.

Loi giai
Chon B.

Tacod %—%zZ < 3x-2y-6=0.Do gi_—z nén hai duong thang cét nhau.

Mit khac 6.3+(-2).(-2) # 0 nén hai duong thing khong vudng goc.
x=1+2¢

. Biét I(a; b) 1a toa do
y=3—-t

Céu 2: Cho hai duong thing d va d' biét d:2x+y—8=0 va d’ :{
giao diém cua d va d'. Khi d6 tong a +b bang
A. 5. B. 1. C. 3. D. 6.
Loi giai
Chon A.
Tham s6 ¢ ing v6i giao diém cta d va d’ 1a nghiém cua phuong trinh

x=3
=1(3;2)=>a+b=5.

2(1+2t)+(3-1)-8=0 < r=1.Khi do { 5
y:

Cau 3: Puong thang (A): 3x—2y—7=0 cit dudng thing ndo sau day?

A. (dl):3x+2y:0 B. (a’z):3x—2y:O C. (d3):—3x+2y—7 =0. D.

(d,):6x—4y—-14=0.

Loi giai

Chon A.

Tanhan thay (A) song song véi cac duong (d,);(d, );(d,)
Cau 4 : Cho hai duong thang (A,):11x—12y+1=0 va (A,):12x+11y+9=0. Khi d6 hai dudng thing
nay

A. Vudng goc nhau B. cit nhau nhung khong vudng goc
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C. trung nhau D. song song v&i nhau
Loi gidi
Chon A
Taco: (A,) c6 VTPT la n =(11;-12); (A,) 6 VIPT la n, =(12;11),
Xét n.n, =11.12-12.11=0 = (A,) L(A,)
Cau 5: Cho 4 diém A(1;2),B(4;0),C(1;-3),D(7;-7). Xéc dinh vi trf trong déi ctia hai duong thing
AB va CD.

A. Song song. B. Cit nhau nhung khong vudng goc.
C. Trung nhau. D. Vudng goc nhau.
Loi giai
Chon A.
Tacod AB=(3;-2),CD =(6;-4)
Ta co é = _—2
6 -4

Suyra A4B//CD

Cau 6: buong th'fmg (A) :5x+3y =15 tao vdi cac truc toa d0 mdt tam giac c6 dién tich b?mg bao nhiéu?

A. 3. B. 15. C.%S. D. 5.
Hwéng din gidi:
Chon C. i 7
Goi A la giao diém cuia A va Ox, B la giao diém ctia A va Oy.
1
Taco: A(3;0), B(0;5) =04=3, OB=5 =S,,,; :75
o . , x=-3+4¢ x=1+4¢t
Cau 7: Tim toa d¢ giao diém cua hai duong thing (Al) : va (A2) : -
y=2+5t¢ y=T-5t
A. A(51). B. A(1;7). C. A(-3;2). D. A(1;-3).
Huwéng din giai:

Chon B

—3+4t=1+4¢ t=1 ) ‘»
Xét hé: = = giao dicm A4(1;7).

2+5t=T7-5¢ t'=0
Cau 8: Tim toa d6 giao diém ciia duong thang A:15x—2y—10=0 va truc tung Oy .
A. (-5;0). B. (0;5). C. (0;-5). D. @5}

Huwéng din giai

Chon C.

15x-2y-10=0 =-5
Giagihe: { s

x=0 x=0
Vay toa do giao diém ciia A:15x—2y—10=0 va truc tung Oy1a (0;-5).
Cau 9: Tim toa d6 giao diém cta hai dudng thing sau day:

x=22+2t x=12+4¢
L va A, : ,
y=55+5¢ y=-15-5¢t

A. (6:5). B. (0;0). C. (-5:4). D. (2;5).

Huéng din giai
Chon B.
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. 22+2t=12+4¢ y=0
Giai hé: & .
55+5t=12+4¢ x=0

Vay toa do giao diém ciia A, va A, 1a (0;0).
Cau 10: Cho bén diém 4(1;2), B(4;0), C(1;-3), D(7;=7). Vi tri tuong dbi ctia hai dudng thang 4B
va CD la

A. Song song. B. Cit nhau nhung khong vudng goc voi nhau.
C. Trung nhau. D. Vudng goc véi nhau.

Loi giai
Chon A.

AB=(3;-2), CD=(6;—4) va AC =(0;-5).
Ta thay: CD=2A4B= CD va AB cung phuong.
Lai co: g;«t——;: AB va AC khong cung phuong.

Vay hai duong thang 4B va CD song song.

Cau 11 : Cho hai duong thing (d,):mx+y=m+1,(d,):x+my=2 cétnhau khi va chi khi :

A. m#2. B. m#+1. C. m=#1. D. m#—1.
Loi giai
Chon C.
+y=m+1(1
(d)n(d,) < mety=m+1(1) c6 mot nghiém
x+my=2(2)

Thay (2) vao (1) :m(2—my)+y:m+l@(l—mz)y=1—m(*)
2

Hé phuong trinh ¢6 mot nghiém < (*) c6 mot nghiém <:>{1 n; ¢00<:> m#1.
m—1+

Céu 12 : Cho hai dudng thing (dl):mx+y =m+1 ,(d2)1x+my =2 song song nhau khi va chi khi

A.m=2. B. m==l. C. m=1. D. m=-1.
Loi giai
Chon D.
m=1
m* =1 m=-1
(d,);(d,) song song nhau < =N Sm=-1
m’+m#2 m#1
m# =2

x:1+(m2+l)l

Cau 13: V6i gia tri nao ctia m thi hai duong thing sau diy vudng goc (AI):{ va

(Az):{xzz—sz'

y=2—mt

y=1—-4mt'
A m=13 B. m=—/3 C. m=43 D. khong c6 m
Loi giai
Chon A

(A) ¢6 u, =(m’ +1;-m); (A,) c6 u, =(-3;-4m)

(A)L(A)ou Ly, o -3(m+1)+4m* =0 m* =3 m=13
Cau 14: Vi gia tri ndo cua m thi hai dudng thing (A,):3x+4y—1=0 va (A,):(2m—-1)x+m’y+1=0
trung nhau.
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A.m=2 B. moi m C. khong c6 m D. m=4=1

Loi giai
Chon C
3=2m-1
(A)=(A,) = 4=m
“1=1 (VL)

Cau 15: Cho 4 diém A(-3;1),B(-9;-3),C(—6;0),D(-2;4). Tim toa d6 giao diém cua 2 duong thing
AB va CD.

A. (-6;-1) B. (-9;-3) C. (-9;3) D. (0;4)

Loi gidi

Chon B.

Tacod AB=(-6;-4)=VIPTn,, =(2;-3)= (4B):2x~3y=-9

Taco CD =(4;4) = VIPT ng, =(1;-1)=(CD):x—y =—6

Goi N=ABNCD
2x-3y=-9

Suy ra N la nghiém cia hé {
x—y=-6

x=-9
= { = N(-9;-3)
y=-3
Cau 16: Cho dudng thang d 2x+y+15=0vad,:x-2y-3=0. Khang dinh nao sau day dung?
A. d, va d, vudng goc véi nhau.
B. d, va d, song song v6i nhau.
C. d, va d, trung nhau v6i nhau.

D. d, va d, cat nhau va khong vuéng goc véi nhau.

Loi giai
Chon A.
d, ¢6 vecto phap tuyén 7i, =(2;1).
d, ¢ vecto phap tuyén 7, =(1;—2).
Taco n,.n, = 2.1+1.(—2) =0.
Vay d, va d, vudng goc voi nhau.
) , , , | x=2-3t
Cau 17: Xac dinh m dé 2 duong thang d :2x—-3y+4=0 va d’: L 4t vudng goc
y=1=am
A.ng. B.mzl. C.m:—g. D.m:—l.
8 2 8 2
Loi giai
Chon C.

(d):2x=3y+4=0 c6 VIPT la n=(2;-3) suyra VICP cta (d) 1a us =(3;2).

=2-3 - :
(d’):{x | 4t , suyra uq =(-3;—4m) 1a VTCP cta (d'). Dé (d') vudng goc voi (d) thi
y=I-4am

Ua =o@—9—8m=o@m=—%
2. Goc giira hai duwong thing:
Phan 1:

Cau 38:  Tinh goc giita hai dudng thing A:x—\/§y+2=0 va A':x+\/§y—1=0.
A. 90°. B. 120°. C. 60°. D. 30°.
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Loi giai

Chon C
Puong thing A c6 vecto phap tuyén n= (1; V) ), duong thing A’ ¢6 vecto phap tuyén
n = (1; \/g) .
Goi a 1a goc giita hai dudng thing A,A". cosa = ‘cos(ﬁ ;)‘ = ﬁ = 1 =>a=60".
' VI+34143 2
Cau 39: Goc giira hai duong thing a :x/gx—y+7 =0 vab: x—\/gy—l =01a:
A. 30°. B. 90°. C. 60°. D. 45°.

Loi giai
Chon A
Puong thiang a co vecto phap tuyén 1a: nT = (\/5 ;= 1) ;
Pudng thing b co vecto phap tuyén 1a: a = (1; NE) )

Ap dung cong thuc tinh goc giira hai duong thang co:

o, 1B+()(B) 5

55 = 7 . Suy ra goc gitra hai duong thrfmg br:ing 30°.

cos(a,b)

|n1 \n,

dy:2x+5y=2=0 - d,:3x=Ty+3=0

Céu 40: Cho hai dudng thing . Goc tao boi dudong thang d, va

d

2 bang
A. 30°. B. 135°. C. 45°. D. 60°.
Loi giai
Chon C

Duong thing d, :2x+5y—2=0 ¢6 vecto phap tuyén m =(2;5).
Puong thang d,:3x—7y+3=0 co vecto phap tuyén ny = (3;—7) .

Goc giita hai duong thang dugc tinh bang cong thuc

|n,.n2

g

23+5(-D] 29 1

7 b5 [Re(c7) 29V2 2

cos(dl,d2)=‘cos(;zl,1712) T

2

= (dy;d,) = 45"

Vay goc tao boi duong thang d, va d, bang 45°.

. x=2+t
Cau 41: Tim cosin goc gitta hai duong thang A :2x+y—-1=0 va A, :{ {—;
y=1=
A YO B. > c.2. INEALLY
10 10 5 10
Loi giai
Chon D

Vécto phap tuyén ciia dudng thang A, 13 n = (2;1) nén vécto chi phuong u = (1;-2)

Vécto chi phuong cua duong thang A, 13 o' = (1,-1)
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|u.u'| 3 3\/5

Khi d6 cos(A;A,) = ‘COS(;;J)‘

e VN2 10
R i i , x=2-t
Ciu 42: Tim goc gilra hai duong thing A, :x—2y+15=0 va A, : ey ( teR )
y=4a+
A. 5. B. 60°. C.0. D. 90°.
Loi giai
Chgon D

Duong thing A, c6 VTPT la n, (1;-2) = 1VTCP(2;1)
Duong thing A,c6 IVTCP(-1;2).
Nhan xét: u,.u, =0=u, Lu, = A, LA, = (A,A, )=90".

Cau 43: Tim cosin goc gitra 2 duong thang d:x+2y-7=0,d,:2x-4y+9=0.

3 2 1 3
A, —. B. —. C. -. D. =.
5 5 5 =5
Loi giai
Chon D
Ta ¢6 viptna, =(1;2);viptna, =(2;-4)
g na| 2-24) 3
cos(d;d')=t———= ==
R IR RNCENCI
Cau44: Tinh goc giita hai duong thang A: x—\/§y+2 = 0vdA':x+\/§y—l =07?
A. 90°. B. 120°. C. 60°. D. 30°.
Loi giai
Chon C
A ¢6 vecto phap tuyén 1a nT = (1;—\/3) . A" ¢6 vecto phap tuyén 1a ;Z = (1;«/5) .
Khi do:
s 11+(=3)V3) 2

cos(A;A') = ‘cos(;l;n_z)

— _ l
IEI-‘@‘ \/12+(_\B)2,\/12+(\5)2 Va4 2
Vay goc gitra hai dudng thang A, A' 1a 60°.

Céu 45: Tinh goc tao boi gitta hai dudng thing
d :2x-y-10=0 vad,:x-3y+9=0.

A. 30°. B. 45°. C. 60°. D. 135°.
Loi giai
Taco
d:2x—y-10=0—7i =(2;-1) _ 2.1+(-1).(-3
{1 000 =) gy 1) L
d,:x-3y+9=0-ii, =(1;-3) \/22+(_1) .\/12+(—3) 2

—> @=45.Chon B

Cau 46: Tinh goc tao boi giita hai duong thang
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d:7x-3y+6=0vad,:2x-5y—-4=0.

A.ﬁ_ B.z. C-Z_ﬂ- D’3_7['
2y 3 3 4
Loi giai
Ta co
d:7x-3y+6=0-7, =(7;-3) poldiids) s oo [14+15| I SN )
dy:2x—5y—4=0—ii, =(2-5) Y ldroNais 2 0T

Chon A

Céu 47: Tinh gbc tao boi gitta hai dudng thing d, 2x+ 2\/§y +5=0vad,:y-6=0.

A. 30° B. 45°. C. 60°. D. 90°.
Loi giai
Ta co
d,:2x+ 23y +5=0ii =(LN3) s V3| B
d,:y—-6=0.—>1, =(0;1) VI+340+1 2
Chon A

Céu 48: Tinh goc tao boi gitta hai dudng thing d, x+ \/§y =0vad,:x+10=0.

A. 30°. B. 45° C. 60°. D. 90°.
Loi giai
dy:x+3y =07 :(1;J§) o=(d;:d5) [1+9] 1
— 20 08P == —
d,:x+10=0— 17, =(1;0) VI+341+0 2

—>@=60". Chon C

Cau 49: Tinh goc tao boi giita hai duong thang

‘ x=10-6¢
d :6x-5y+15=0vad,: .
y =145t
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
d,:6x—5y+15=0— 1, =(6;,-5)
x=10-6f _ —> 7, -7, = 0—224%) 55— 90°, Chon D
L — 71, =(5;6)
y =145t

Cau 50: Cho dudng thing d:x+2y—-7=0vad,:2x—4y+9=0. Tinh cosin cua goc tao boi giira hai

duong thing di cho.
A -3 B. = c.3. D. >
5 J5 5 J5
Loi giai
d x+2y-7=0—>n=(1;2 , —
AT i =(1:2) ) COS(/)=—|1 4| =§. Chon C
d,2x-4y+9=0—->n, :(l;—2) VI+4~1+4 5

Cau 51: Cho duong thing d :x+2y—-2=0 va d,:x—y=0. Tinh cosin cua goc tao boi gilta hai
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duong thang di cho.

A. @. B. Q V3 D. 3.
10 3 3
Loi giai
d:x+2y-2=0->n=(1;2 s 1-2
: d = )—M’(d"d” cosp = -2 ! . Chon A
d,:x-y=0-7,=(1;-1) Vitai+1 Vio
, x=2+t ) . .
Cau 52: Cho duong thang d,:10x+5y-1=0 va d, :{ ot Tinh cosin cua goc tao boi gitra hai
y=1=
duong thing di cho.
a 210 B2 c. Yo S
- 10 5 10 10
Loi giai
d 10x+5y—-1=0->n, =(2;1
dzz{ o =(L1) Variaielr Voo
y=1=
R . 5 . x=15+12¢
Ciu 53: Cho duong thang d, :3x+4y+1=0va d,: .
y=1+5¢
Tinh cosin ctia goc tao boi gitta hai dudng thing da cho.
2 B. - c. L D. >
65 65 65 65
Loi giai
d 3x+4y+1=0—->n=(3;4
| O ERC
x=15+12t ———25Ccosp = =—.
. —ii, =(5;-12) V9+164/25+144 65
y=1+5¢
Chon D
Dang 2.2 Viét phuong trinh duong thang lién quan dén goc
x=9+at

(t € R) va duong

Cau 54: Xac dinh tit ca cic gia tri ciia a dé goc tao boi duong thang { 7
y=1I=

thang 3x+4y—2=0 bang 45°.
A.a=1,a=-14. B a=%, a=-14. C.a=-2,a=-14. D. a=%, a=14.

Loi giai
Chon B
Goi ¢ 1a goc giira hai duong thang di cho.

. x=9+at _
Duong thang { (t € R) c6 vecto chi phuong 1a u = (a;—Z) .

y=T-2t
Duodng thing 3x+4y—2=0 c6 vecto chi phuong la v =(4;-3).

Tacod cosp= |cos(1,7,\7)| & cos45° =
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& 5Va® +4 =+24a+6| < 254> +100 = 32a* +96a + 72

2
©7a"+96a-28=0| " 7
a=-14
Cau 55: Pudng thing A di qua giao diém cua hai dudng thing d:2x+y-3=0vad,:x-2y+1=0

dong thoi tao v6i dudng thang d,:y—1=0 mot goc 45° ¢6 phuong trinh:

A.x-l—(l—\/i)y:O hodac A:x—-y-1=0. B. A:x+2y=0 hodac A:x—-4y=0.
C.A:x—y=0 hoac A:x+y-2=0. D. A:2x+1=0 hoac y+5=0..
Loi giai
d :2x+y-3=0 x=1
=3 —d nd,=A(L1)eA.
d,: x=2y+1=0 y=1
Taco d,:y—-1=0—> 1, :(0;1),g()i n, :(a;b), (p:(A;d3). Khi do
b =b—>a=b=1>A:x+y-2=0
L=cosg0= || Sa+bh =20 & . . Ty .
V2 Ja? +b* JO+1 a=-b—>a=1b=-1>A:x-y=0
Chon C

Cau 56: Trong mit phang voi hé toa dd Oxy, c6 bao nhiéu dudng thing di qua diém A (2;0) va tao voi

truc hoanh mot goc 45°?
A. C6 duy nhét. B. 2.
C. V6 sb. D. Khong ton tai.
Loi giai
Chon B
Cho duong thing d va mot diém 4. Khi do.
C6 duy nhat mot dudng thing di qua A4 song song hoic tring hodc vudng goc voi d.

C6 dung hai duong thing di qua A va tao voi d mot goc 0° < a <90,

Céiu 57: Duong thing A tao voi dudng thaing d:x+2y—6=0 mot goc 45°. Tim hé sb goc k cua
duong thang A.

A.kz%hoéck:—& B.kz%hoéck=3.
| I, .
C.kz—ghoack=—3.D.k=—§hoack=3.
Loi giai

d:x+2y—6=0—7,=(12), goi i, =(a;b) >k, =—%. Taco

+2b
L:cos45°=M<:>5(a2+b2)=2a2+8ab+8b2
V2 Ja* +b* A5
1 1
bk ==
< 3a’ -8ab-3b =0 < . 3 K 3. Chon A
a=3b—>k,=-3

Cau 58: Biét rang co ding hai gia tri ciia tham s k dé duong thiang d: y = kx tao véi duong thing
A:y=x mot goc 60°. Tong hai gia tri chia k& bang:
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Cau 59:

Cau 60:

A. -8. B. —4 C. -1. D. —1.
Loi giai
d:y=kx—n, =(k;—1
4 T ( )—>l:cos60° = |k+l|

Sk +1=2k* +4k+2

A:y=x—i, =(L-1) 2 _m
Sk +4k+1=0—"hKh g 1k =4,
Chon B
Trong mit phang toa do Oxy, cho diém M (I;—1) va hai duong thing c6 phuong trinh
(dl) x—-y-1= O,(a?2 ) :2x+y—-5=0.Goi A la giao diém ciia hai dudng thang trén. Biét rang
c6 hai duong thiang (d) di qua M cét hai duong thang trén 1an luot tai hai diém B,C sao cho
ABC 1a tam giac c6 BC=34B c6 dang: ax+y+b=0 va cx+y+d=0, gia tri cua

T=a+b+c+dla
A. T=5. B. T=6. C.T=2. D. T=0.
Loi giai

Chon C

Toa do A(2;1)

: : . . 1 3
Goi «a la gdc gitra hai duong thang (d, ) va (d,), cosa =—— = sina=—=
(d)) va (d,) Jo J10
Xét tam giac ABC ta co: 43 = ?C =sinC :L
sinC sin4 x/ﬁ

Goi S la goc giira hai duong thang (d) va (d,), suy ra: sin = Lo cos B =

7o (1)

3
10

Gia sir (d) c6 vec to phap tuyén la n(a;b)

3 |2a+b| _3 & a’—8ab+bh’' =0 & a=b

& =
VIO Vet +p2Y5 V10 a=7b

Véi a=b mot vec to phap tuyén n=(L1)=d :x+y=0

Tu (1) ta co: cos ff =

Véi a=7b mot vec to phap tuyén ;1(7;1):> d:7x+y-6=0

Vay: T=1+0+7-6=2

Trong mat phéng v6i hé toa d§ Oxy, cho tam gidc can ABC c6 canh ddy BC:x-3y-1=0,
canh bén AB:x-y-5=0. DPuong théng AC di qua M(-4;1). Gid st toa do dinh
C(m,n).Tinh T=m+n.
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Cau 61:

A.T==. B. T =-3. Q.T=% D.T=-2.
Loi giai
Chon C
Goi n(a;b) véi (a® +b* #0) 13 véc to phap tuyén cia AC, A
vécto n,(1;-3) 1a véc to phap tuyén cta duong thang BC,
n,(1;-1) 1a
véc to phap tuyén cua duong thing AB .
Ta co: cosB =cosC < cos(?z,nj) |= cos(n:,nT) |

Innl |n2,n| la-3b| [1+3]

& oda v N0z £ °

2,/2(a’ +b*) =|a—3b| < Ta’ +6ab—b* = 09[ :_Z

+Véi a=-b chon a=1,b=-1= n(1;-1) loai vi AC//AB

+V0’1a—7ch0na L,b=T=AC:x+7y-3=0. Piém C = ACmBC:C(%%}

Trong mit phang Oxy, cho hai duong thing (d1) 2x—y+5=0 va (d2)1x+y—3 =0 cit
nhau tai 7. Phuong trinh dudng thang di qua M (—2;0) cét (d,),(d,) tai 4 va B sao cho tam
giac IAB cantai 4 c6 phuong trinh dang ax+by+2=0.Tinh T=a—5b.

A T=-—1. B. T=9. C.T=-9. D. T=11.
Loi giai
Chon D
d
M
ds

Puong thing (dl),(dz) ¢6 véc to phap tuyén lan luot 1a ;1: = (2;—1), n—2 = (l;l).
Goi (A) 1a duong thang can tim c6 véc to phap tuyén la n= (a;b).
Géc gitra 2 dudng thang (d,), (d,) va (A), (d,) xac dinh béi:

|n1r72 a-11 1
cos(d d ) | \/22 \/12+12 —ﬁ.
\ﬁi la+b) la+b]
Ad,) =L - .
cos(8.d,) n|| JE AP 2NE

Vi (A) cat (dl),(dz) tai 4 va B tao thanh tam gidc /4B cantai 4 nén

+b 1
cos(d],dz):cos(A,dz)@\/Ebazlbz:m@\/§|a+b|:\/a2+bz
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Phén 2:

Cau 1:

Cau 2:

Cau 3:

a=-2b
<:>5(a+b)2:a2+b2<:>2a2+5ab+b2:0<:> 1
a=——

2
+ a=—2b:chon a =2 = b=—1: phuong trinh dudng thang la:
2(x42)—y=0&2x—y+4=0 (L).

1 ,
+a= _Eb : chon a =1=> b =—2: phuong trinh duong thang la:

(x+2)-2y=0&x-2y+2=0 (T/m).Dod6 T=a—5b=1-5(-2)=11.

Goc gitra hai duong thang A, : ax+by+c, =0 va A, : a,x+b,y+c, =0 dugc xac dinh theo
cong thuc:
+bb
A. cos(A,A,) = ads thb, B. cos(A,A,) = ad, +bb :
1 2 \/ P bz\/ 2 bz 1 2 \/ 2 bz\/ 2 b2
a; +b \Ja; +b; a, +b Aja; +b;
+bb + +
C. cos(A,A,) = |a1a2 I 2| . D. COS(A”AZ):\/alaZ 2blb2 2 €
JaZ +b2 +yJa? + b} a’+b
Loi giai
Chon C.
- = R, a, aa,+bb
COS(AI’AZ):‘COS(nAmnAZ) =1= — = | 172 1 2| .
na | i, | Ja? + b +yJa’ + b}
A \ 2 . xX=2+t
Tim c6sin goc gitta 2 duong thang A, : 10x+5y—-1=0va A,: s
y=1=
A. i B. @ C.—3\/E. D. é
10 10 10 5

Loi giai
Chon C.
Vécto phép tuyén cia A, A, lan luot 1a nT(Z;l), nj(l;l).
e -
[ llm ] 10

Tim cosin goc giita 2 duong thang A x+2y—\/§:0Vé Ay x—y=0.

cos(A,A,) =] cos(nﬁ,,nﬁz) |

A. @. B. V2. C. Q. D. ﬁ.
10 3 3
Loi giai
Chon A.

Vécto phap tuyén cia A,, A, 1dn luot 13 1 (1;2), n,(1;-1).

Cmn] 1 A0

cos(A,A, )= cos(nT,Z)F - -

Imllm] V10 10
Tim cosin giita 2 duong thang A:2x+3y—-10=0 va A,: 2x-3y+4=0.
7 6 5
A —. B. —. C. V13, D. .
13 13 13
Loi gidi

Chon D.
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Vécto phap tuyén ciia A,, A, 1an luot 1a n,(2;3), n,(2;-3).
_Imm] 5
|n || n, | 13

Cau5: Tim goc gitta 2 duong thang A 2x+2\/§y+\/§=0Vé A,: y—\/6=0

cos(A,A,) =] COS(”TJZ) |

A. 60°. B. 125°. C. 145°. D. 30°.
Loi gii
Chon D.
Vécto phap tuyén ciia A, A, 1an luot 1a 7, (1;+/3), 1, (0;1).
COS(AI ’Az) :| COS(’Z? ’72) |: |_nl'n2—” = ﬁ = (Al ’Az) =30°.
|n||n,| 2
Cau 6: Tim goc giira hai duong thang A x+\/§y =0va A): x+10=0.
A. 45°. B. 125°. C. 30°. D. 60°.
Loi gii
Chon D.
Vécto phap tuyén ciia A, A, 1an luot 1a 7, (1;+/3), 1, (1;0).
sty s ) BEEL L )
[m[Iny| 2

Cau7: Tim goc giita 2 duong thang A 2x—-y-10=0va A,: x-3y+9=0.

A. 60°. B. 0°. C. 90°. D. 45°.
Loi giai
Chon D.
Vécto phap tuyén ciia A, A, 1an lugt 1a n,(2;-1), n,(1;-3).
cos(A,A, )= cos(nﬁl,nj) |:M :£ =(A,A,)=45°
[ [lny| 2

Cau8: Tim cosin goc giita 2 dudng thing A ix+2y-7=0va A, :2x-4y+9=0.

A B. 2. c. L. D. .
5 J5 5 J5
Loi giai
Chon A.
Vécto phap tuyén cua A,, A, lan luot 1a n,(1;2), n,(2;—4).
— — |n.n,| 3
cos(A,,A,))=|cos|n ,n, ||Im——=—==—.
(A,A,) = cos(n,,n, )| s

Cau9: Trong mit phang Oxy cho hai dudng thing A ix+2y—6=0va A,:x-3y+9=0. Tinh goc
tao bo1 A, va A,
A. 30°. B. 135°. C. 45°. D. 60°.
Loi giai
Chon C.

l_’iA] .I;Az 1 (A A ) 45
=== === , =45°,
|nA1|.|7’lAz| \/5 v
Cau 10: Cho hai dudng thang d, :x+2y+4=0; d,:2x—y+6=0.Sb do goc giita d, va d, 1a
A. 30°. B. 60°. C. 45°. D. 90°.
Loi giai

(A],AZ):‘COS(;IAI,IQAZ)

Chon D.
Vécto phap tuyén cia duong thing d, 1a ni = (1;2).
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Vécto phap tuyén cua duong thang d, 1a ns = (2; —1).
Taco mn:=0=d, Ld,.

. =10—-6¢
Tim goc giita 2 dudng thing A, :6x—5y+15=0va A, 1" .
y=1+5t

A. 90°. B. 60°. C. 0°. D. 45°.
Loi giai

Chon A.

Vecto phép tuyén cia dudng thing A la nT =(6;-5).

Vecto phap tuyén cta duong thing A, la nj =(5;6).

Tacod mn,=0=A, LA,.

A . . . x=15+12t
Tim c6sin goc gitta 2 duong thang A, :3x+4y+1=0 va A, : .
y=1+5¢
AL B. & L D. 2>,
65 13 65 65

Loi giai

Chon D.

Vecto phap tuyén cua duong thang A, 1a nT =(3;4).
Vecto phép tuyén ciia duong thing A, 1a nj =(5,-12).
|n1 -,
Goi ¢ la goc glta A|,A, = cosp = | | | =
Cho doan thang AB v6i A(l,2), B(-3;4) va duong théng d:4x-T7y+m=0.Dinh m dé d

va doan thang AB c6 diém chung.

A. 10<m<40. B. m > 40 hodac m<10.
C. m>40. D. m<10.

Loi giai
Chon A.

Puong thingd va doan thing AB c6 diém chung < 4, B ndm vé hai phia ciia duong thing d
S @A-14+m)(—-12-28+m)<0<=10<m <40.

Cip duong thing nao dudi day la phan giac cua cac goc hop boi duong thing A:x+y =0 va
truc hoanh Ox ?

A (1+V2)x+y=0; x—(1-~/2)y=0.

B. (1++/2)x+y=0; x+(1-+/2)y=0.

C. 1+v/2)x=y=0; x+(1-/2)y=0.

D. x+(1+v2)y=0; x+(1-+2)y=0.

Loi giai

Chon D. )
Goi M (x;y) la diém thudoc duong phan giac= d(M,A)=d(M,Ox)
|x+ v
= x+(1£+2)y=0.
5 =M =

x=2+t

g, Va2 diem A(1; 2), B(-2; m). Dinh m dé 4 va B nim
y=1-

Cho duong thang d : {

cung phia d6i véi d .
A.m < 13. B. m>13. C..m>13. D. m = 13.
Loi gidi
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Chon A.

Phu.O’ng trinh tong quat cta duong thang d :3(x—2)+1(y—1)=0 hay d :3x+y—-7=0.

A,B cungphiavéi d< Bx,+y,-7)Bx, +y,-7) >0 -2(-13+m) >0 m <13

Cip duong thing nao dudi ddy la phan giac cua cac goc hop boi 2 dudng thing
Aix+2y-3=0va A, :2x-y+3=0.

A.3x+y=0vax-3y=0. B.3x+y=0vax+3y-6=0.
C.3x+y=0va —x+3y-6=0. D.3x+y+6=0va x-3y-6=0.
Loi gidi
Chon C.
Goi M(x;y) la diém thudc duong phan gidc = d(M,A,) = d(M,A,)
+2y-3] 2x—-y+3 -x+3y-6=0
:>|x J |=|x 4 |:>x+2y—3=i(2x—y+3):> Y .
J5 J5 3x+y=0

Cho hai duong thang d, :2x—4y -3=0;d, :3x— y+17=0. S6 do goc giira d, va d, 1a

A. %. B. % C. —37” D. —%.
Loi gidi
Chon A.
1 T
Cos(dl’dz)zf:(dvdz):_

Cho duong thang d :3x+4y—-5=0 va2 diém 4(1;3), B(2;m).Pinh m d&¢ 4 va B nam cing
phia dbi véi d .
A. m<0. B.m>—%. C. m>-1. D. m=—.
Loi gidi
ChonB. i
A, B nam ve¢ hai phia cia duong thang d
c>(3+12—5)(6+4m—5)>0<:>m>—i.
Cho A4BC véi A(1;3), B(-2;4), C(-1;5) va duong thang d :2x -3y +6=0. Duong thing d

cat canh nao cia AABC?

A. Canh AC. B. Khong canh nao.
C.Canh 4B. D. Canh BC.

Loi gidi
Chon B.

Thay diém A vao phuong trinh duong thang d ta dugc —1

Thay diém B vao phuong trinh dudng thfmg d tadugc —10

Thay diém C vao phu:orng trinh duong thang d taduogc —11

Suy ra diém 4 va B nam cung ph1a d6i v6i d nén d khong cit canh AB.

diém A va C nam cung phia ddi voi d nén d khong cit canh AC

diém C va B nam cung phia d6i voi d nén d khong cét canh BC.

Cho hai duong thing A x+y+5=0va A, :y=-10.Goc gilta A, va A, 1a

A. 30°. B. 45°. C. 88°57'52". D. 1°13'8".
Loi gidi

Chon B.

Vécto phap tuyén cia duong thing A, 1a m = (1;1).

Vécto phap tuyén cua duong thing A, 1a ny =(0;1).
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, .. |ﬁ|.ﬁz 1
Ta c6 cos(A,,Az)z‘cos(m,nz) = |;1 | |;1 |=$ = (A,A,)=45°
1[.[7t2
Cau 21: Cho tam gisc ABC c6 A(0;1),B(2;0),C(—2;-5). Tinh dién tich S cua tam giac ABC
A.SZ%. B. §=5. C.S5=17. D.S:%.
Loi gidi

Chon C.

Tacd AB=+/5 ; AC =40 =210. ; BC =/41.
V542410 ++4/41

=>p= 5

S=p(p-4B)(p—AC)(p-BC)=1.

" 2 iy . \ 2 x=m+2t
Cau 22: Cho doan thang 4B véi A(1;2), B(-3;4) va duong thang d :{

. Pinh m dé d cét

doan thang AB .

A. m<3. B. m=3. C. m>3. D. Khong c6 m nao.
Loi giai

Chon D.

Phuong trinh tong quat ctia dudng thang d :x+2y—m—2=0
Puong thépg d ‘Vé doan thang 4B c6 (zliém chung
< A4,B nam v¢ hai phia cia duong thangd < (1+4-m—-2)(-3+8-m—-2)<0.
< (3-m)(3—-m) <0 vo nghiém.

Céau 23: Duodngthang ax+by—3=0, a,b e Z di qua diém M (1;1) va tao v6i dudng thang
A:3x—y+7=0 mot goc 45°. Khi d6 a—b bang

A. 6. B. 4. C. 3. D. 1.
Loi giai
Chon D.
Goi dudong thing d c6 vécto phap tuyén ns =(a;b) v6i a,b e Z.
.. Naa
Ta co (A,d):45°<:>‘cos(m,nd) =cos45° ©%—4|=£
na .nd| 2
a=2b
3a—b
<:>L:£c>|3a—b|=xg.\/az+b2 < 2d*-3ab-2b" =0 < 1.
JioVa +b* 2 a:—zb
V61 a=2b chon B=1; A=2 =d:2x+y-3=0.
Véi a=—%b chon B=-2; A=1 =d:x-2y+1=0.
: 1
Cau24: Chod:3x—y=0vad" :mx+y—1=0.Tim m dé cos(d,d')=——
(d.d") ==
A. m=0. B.m=§hoéc m=0. C.m=%hoac m=O.D.m:J_r\/§.

Loi gidi
Chon C.
Vécto phap tuyén cia duong thing d 1a d =(3;-1).

Vécto phép tuyén cua dudng thing d' 1a d'= (m;1).
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l’ld.l’ld'| 1

1 - - 1
Ta cé d.d")=—— ‘ ) = 1 _
aco cos( ) NG o cos(nd l’ld) 7o = |nd|.|nd'| 7o
prl] ] o Bm=1|=Vm* +1 < 8m’ —6m=0 "
= — | = m-—6m=
T om0 m=%

Cau 25: Cho tam gidc ABC c6 A(0;1), B(—2;0), C(2;5). Tinh dién tich S ciia tam gidc ABC

A S=3. B.S=5. C.s=2. D.S=2.
2 2
Loi giai
Chon A.
Tacd AB=+/5 ; AC=+/20 : BC =+/41.
54320 4441
2

S=p(p-4B)(p-AC)(p-BC)=3.
Ciu 26: CoO hai gia tr1 m,, m, dé duong thang x +my —3 =0 hop voi duong thang x + y =0 mot goc
60° . Tong m, +m,bang:

A. —1. B. 1. C. 4. D. 4.
Loi giai
Chon C. o
Ta ¢6 cos(d,d')=6O°<:>‘cos(72d,;1dv) =% SN |[n]rj|| :%
na.\na

|m+1| 1
S 2m+|= 2m* +1 & m? +4m+1=0.
\/7\/1+

=>m +m, = —:—4.
a

. . x=2+at .
Cau 27: Xac dinh gia tri cua a dé goc tao boi hai duong thang { Y va duong thang
y=1=
3x+4y+12 =0 mot goc bang 45°.
A.a:%;a:—l4. B.a:%;a:m. C.a=la=-14. D.a=-2;a=-14.
Loi giai
Chon A.
Vécto phap tuyén cua duong thing d, 1a m =(2;a).
Vécto phép tuyén cia dudng thing d, la ny = (3,4).
Lol Ma, M,
Ta co (dl,d2)=45°<:>‘cos(ndl,ndz) =c0s45° & [ - :ﬁ
|ndl|.|nd2 2
|4a +6| a=2
&= <:>2|4a+6| V2@ +4 & 7a* +96a-28=0 | 7
SNa+a’ 2 =—
a=-14
Chu 28: Phuong trinh duong thing di qua 4(-2;0) va tao v6i duong thang d:x+3y -3 =0 mot goc
45° la
A. 2x+y+4=0;x—-2y+2=0. B. 2x+y-4=0;x-2y+2=0.
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C.2x—y+4=0;x-2y+2=0. D. 2x+y+4=0;x+2y+2=0.

Loi gidi
Chon A.
Goi duong thang A di qua A4(-2;0) c6 vécto phap tuyén nas =(4; B); (A2 +B % 0).
.o nan
Tacod (A,d):45°<:>‘cos(m,nd) =c0s45° & L : j| :ﬁ
naj. I’ld| 2
A=2B
[4+35 ==i2<3L4+3Bk:J§JA2+BZ¢>4A2—6AB—4BZ=0¢> ]

<:>—
JiovA22+B 2

V61 A=2B chon B=1; A=2 = A:2x+y+4=0.

A=-—B
2

Vi A:—%B chon B=-2; 4=1 =>A:x-2y+2=0

Chu 29: Duodng thang di qua B(—4;5) va tao v6i duong thing A:7x—y+8=0 mdt géc 45°c6 phuong

trinh la
A. x+2y+6=0va 2x—11y—-63=0. B. x+2y-6=0 va 2x—11y-63=0.
C. x+2y-6=0va 2x—-11y+63=0. D. x+2y+6=0 va 2x—-11y+63=0.
Loi giai
Chon C.
Goi duong thang d di qua B(—4;5) c6 vécto phap tuyén na =(4; B); (A2 +B° 7&0).
Lo Nadg
Tacod (A,d):45°<:>‘cos(m,nd) =c0s45° & L ﬁ| :ﬁ
na .I’ld| 2
A= 1B
74A-B o
cs——l————L—<4£Zc:WA—Jﬂ:SJA2+BZ¢;22A2—7AB—2BZ=OC> 2
N4+ 2 o 25

11
Véi A:%B chon B=2; A=1 =>d:x+2y-6=0.

Vi A:—%B chon B=-11; 4=2 =d:2x-11y+63=0.

Cau 30: Trong mit phang véi hé toa dd Oxy, cho duong thang d : x+ y+3=0. Viét phuong trinh
duong thing di qua diém A (2;— 4) va tao v4i dudng thing d mot goc bang 45°.

A y—4=0 va x-2=0. B. y+4=0 va x+2=0.
C.y—4=0vax+2=0. D. y+4=0 va x-2=0.
Loi gidi
Chon D.
Goi dudng thing A c6 vécto phap tuyén ns =(a;b) voi a* +b* £0.
L NaNa
Ta co (A,d):45°<:>‘cos(m,nd) =c0s45° < — #| :ﬁ
LN .I’ld| 2
+b =0
@L=£<:>|a+b|=\/a2+b2<:>ab=0<:{a .
V2Na b 2 b=0

V6i a=0 chon b=1 =>A:y+4=0.
V61 b=0chon a=1 =>A:x-2=0.
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Cau 31: Trong mit phing toa dd vudng goc Oxy, hdy 1ap phuong trinh dudng phéan giic ctia goc til tao
boi hai duong thang A, :3x—4y+12=0, A,:12x+3y-7=0.

A. d:(60—917)x+(15-12v17 ) y-35+36317 =0.

B. d:(60-917)x+(15+12417) y=35-3617 =0,

C. d:(60+917 )x+(15+12v17 ) y+35+36317 =0.
Jr+| )

D. d;(60+9Jﬁ x+(15-12417)y-35+36+/17 =0.
Loi gidi
Chon B.
Vécto phap tuyén ciia duong thing A, 1a ns, =(3;-4).
Vécto phap tuyén cua dudng thing A, 1a nas, =(12;3).
Vi ;IAI .;lAZ =24 >0 nén dudng phan giac goc tii tao bai 2 hai dudng thang la

3x—4y+12 12x+3y-7 @(60—9\/ﬁ)x+(15+12\/ﬁ)y—35—36\/ﬁ:0-

5 W17
CAau 32: Cho hinh vuéng ABCD c6 dinh A(—4;5) va mot duong chéo c6 phuong trinh 7x—y+8=0.
Toa do diém C 1a
A. C(5:14). B. C(5;-14). C. C(-5:-14). D. C(-5:14).
Loi gidi

Chon B.
Vi A(-4;5) ¢ 7x—y+8=0 nén dudong chéo BD:7x—y+8=0.

Phuong trinh dudng chéo AC di qua 4(—4;5) va vudng goc v6i BD 1a x+7y-31=0.

Tx—y+8=0 (1 9)
4

Goi tam hinh vudng 1a 7(x;y), toa do diém I (x;y) thoa man ——=
' gld 1(x:) (x:) {x+7y—31=0

27 2)

X =2x,—x,=5

I 1a trung diém AC suyra{ :C(S;—l4).
Ye=2y,-y,=-14
Cau33: Cho d:3x—y=0va d":mx+y—1=0.Tim m dé cos(d,d'):%
A.m=0. B. m=+3.
C.m:\/§ hodc m=0. D.mz—\/§ hodac m=0.
Loi giai
Chon C.
PBm-1 m=0

cos(d,d")= u-—@‘\/_m 1‘ i+l om* —PBm=0 = .

2 2\m mZ\/§

Cau 34: Co6 hai gid tri m,, m, dé duong thiang mx + y—3 =0 hop voi duong thing x + y =0 mot goc
60°. Tong m, +m, bang

A. 3. B. 3. C. 4. D. 4.
Loi giai
Chon D.
- - l_’;A.};d| 1
Ta co (A,d)=60°<:>‘c0s(m,nd) =c0s60° & —— - =—
na .I’ld| 2
Cm+1 b
=2 < 2fm1=V2Vm’ +1 Am+1=0 2o
\/,\/_ & 2m+1)=+2 < m’+4m+ = my +my = ——
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Cau 35: Cip duong thiang ndo dudi diy 1a phan gidc cua cic goc hop boi 2 duong thing A
3x+4y+1=0va A,: x-2y+4=0.
A B+V5)x+22-V5)y+1+4/5=0 va B3-5)x+22+/5)y+1+4J5=0.
B. B+V5)x+2(2-5)y+1+4J5=0 va B3=5)x+22+/5)y+1-45 =0.
C. B=3)x+2Q2-5)y+1+4J5=0 va B3+/5)x+22+5)y+1-4J5=0.
D. B+/5)x+2Q2+/5)y+1+4/5=0 va 3=/5)x+2(2=~/5)y+1-45=0.
Loi giai
Chon B.
Cap duong thing 1a phan giac cua cac goc tao boi AL A la
Bx+4y+1| |x—2y+4| | 3x+4y+1=+5(x-2y+4) 3x+4y+1=+/5(x—-2y+4)
= = =
5 J5 Ix+dy+l=—5(x=2y+4) |3x+4y+1=—5(x-2y+4)
B=3)x+22+/5)y+1-4J5=0
= .
B+5)x+22-5)y+1+4/5=0
Céu 36: Duodngthang bx+ay-3=0, a,beZ di quadiém M (1;1) va tao v6i dudng thang
A:3x—y+7=0 mot goc 45° . Khi d6 2a —5b bang

A. 8. B. 8. C. -1. D. 1.
Loi gidi
Chon A.
Goi dudng thing d c6 vécto phap tuyén na =(4;B) véi A*+B* =0.
.o Naa
Tacod (A,d):45°<:>‘cos(m,nd) =c0s45° & L : ﬁ| :ﬁ
na .nd| 2
A=2B
34A-B
| _| —‘/_ &3A-B|=V5N4+B* ©24*-34B-2B"=0 < -
\/7 A2 Bz A:—EB

V6i A=2B chon B=1; A=2 =d:2x+y-3=0.
Vi A:—%B chon B=-2; A=1 =d:x-2y+1=0.

. . . =243t
Cau 37: Viet phuong trinh dudng thang qua B(-1;2) tao v6i dudng thang d :{x ) mot goc 60°.

(\/@+24)x+3y+\/@ 30=0; (J_+24)x 3y ++/645+30 =0,

B. (M+24)x+3y+@+30 0; <\/6_ 24)x 3y ++/645+30=0.

C. (\/% 24 )x+3y+M—30=0 (Vo4 5+24)x+3y+\/@+30 0.
D. (V645 -24)x+3y+/645 -30 = 0; (

645+24)x 3y ++/645+30 =0,

Loi giai
Chon D.
Goi dudng thing A di qua B(-1;2) ¢6 vécto phap tuyén na = (a;b) v6i a® +b* = 0.
- = l_’;AJ_’id| 1
Ta co (A,d)=60°<:>‘c0s(m,nd) =¢0s60° <& ————=—
na .nd| 2
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RarH 1 ot 3| = VTN B < 30’ +48ab 235" =0

oS —=
J13Wa* +p* 2

—24++/645
a=—"
= .
—24 /645
a=—"N2
3
Véi a=_24% V45 | chon b=3; a = 24 +/645 :>A:(\/645—24)x+3y+\/645 ~30=0.
Vi az% V645 1y chon b=—3: a = 24+ /645 :>A:(\/645 +24)x—3y+\/645 +30=0.

Chu 38: Cho doan thang AB véi A(1;2), B(-3;4) vaduongthing d : 4x—7y+m=0.Tim m dé d
va duong thing AB tao v6i nhau goc 60°.

A. m=1. B. m={1;2}. C. meR. D. khong ton tai m .
Loi gidi
Chon B.
Goi dudng thing AB c6 vécto phap tuyén ns =(2;4)=2(1;2).
S Nap.nl
Ta co (AB,d):‘COS(nAB,nd) = |4 - |j|| = 2\1/3173
Nn4B|.|Nd

= (AB,d) ~56°.
Cau 39: Trong mit phang Oxy, cho hai duong thang Aix+2y—-6=0vaA,:x-3y+9=0. Viét
phuong trinh duong phéan gidc goc nhon tao b1 A, va A, .

A (V241)x+(2v243)y—(6v2+9) =0, B. (V2-1)x+(2v2+3)y (652 +9) =0.

C. (V2-1)x+(2V2-3)y-(6§2+9)=0.  D.(V2-1)x+(242+3)y+(6v2+9)=0.
Loi giai

Chon B.

Vécto phap tuyén cua duong thing A, 1a na, =(1;2).

Vécto phap tuyén ciia duong thing A, 1a na, =(1;-3).

Vi na,.11a, =—5<0 nén dudng phan gidc goc ti tao boi 2 hai dudng thing 1a

x+2y—-6 x-3y+9 B

7 & (V2-1)x+(2v2+3)y-(6v2+9) =0.

Chu 40: Lap phuong trinh A di qua 4(2;1) va tao véi dudng thang d :2x+3y+4=0 mot goc 45°.
A. 5x+y—-11=0; x-5y+3=0. B. 5x+y+11=0; x-5y+3=0.
C.5%+y-11=0; x-5y-3=0. D. 5x+2y-12=0; 2x-5y+1=0.

Loi giai
Chon A.
Goi dudng thang A di qua A4(2;1) co vécto phap tuyén na = (a;b) v6i a® +b* #0.
Lo Nada
Ta cod (A,d):45°<:>‘cos(m,nd) =cos45°<:>q—q|:£
na .nd| 2
a=5b
2a+3b

o Patd 2 2[2a+3b| =26 a® + b <> 10a” —48ab—10b* =0 < "

Ji3Vat +p* 2 a:—gb

V6i a=5b chon b=1;a=5 = A:5x+y—-11=0.
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Cau 41:

Cau 42:

Cau 43:

Véi a=—%b chon b=-5,a=1 =>A:x-5y+3=0.

Trong mit phang toa d6 vudéng goc Oxy, cho hai duong thang d vad, lan luot c6 phuong
trinh: d,:x+y=1, d,:x-3y+3=0.Hay viét phuong trinh duong thang d ddi xing véi d,
qua duong thang d, .
A.d:3x—y-1=0. B.d:3x-y+1=0. C.d:3x+y+1=0. D.d:3x+y—-1=0.
Loi gidi
Chon B.
Goi I(x;y)=d, nd, . Khi d6 toa do diém 7 1a nghiém ctia h¢ phuong trinh
{XJFy:l @{xzozl(o;l).
x=3y+3=0 y=1
Chon M (-3;0)ed,. Goi A diqua M vavudng goc vdi d, .
Suyra A c6dang x—y+c=0.
Vi M(—3;O)eA:>c:3 =>A:x—y+3=0
Goi H (x; y) =d, NA .Khido toa do diém H 1a nghiém cua hé phuong trinh
{x—y+3:O<:>{x:—l = H(-12).
x+y=1 y=2
Goi N 1a diém ddi ximg cia M qua d,. Khi d6 H 1a trung diém ciia MN.
N {XN =2 =l 4,
Yy =2y =Yy =4
Vay duong thang d chinh la duong thang IN ,ta co

x_0=y—_1<:>3x—y+1=0 .
1 3

Trong mit phang toa d6 vudng goc Oxy, cho hai duong thang d:2x—y-2=0va

d,2x+4y-T7=0. Viét phuong trinh dudng thing qua diém P(3;1) cung véi d,, d, tao
thanh tam giac can c6 dinh 1a giao diém ciia d, va d, .
A {d:3x+y—10:0. B {d:3x—y—1020. C. [d:2x+y—7=0. D. {d:3x+y—1020.

d:x+3y=0 d:x-3y=0 d:x-2y-1=0 d:x-3y=0

Loi giai
Chon D.
Goi phuong trinh dudng thing d di qua diém P c vécto phap tuyén n=(4;B), 4>+ B’ =0.
Theo gia thiét ta c6 (d,d,)=(d,d,) < cos(d,d,) =cos(d,d,)
24-B]  |24+48]

= =
3N +B* 2542+ B

2(24-B)=24+4p | 4738
< 2[24-B|=[24+4B| < = 1.
2(24-B)=-24-4B | A=—B

V61 A=3B chon B=1;4=3=d:3x+y—-10=0.
Vi A:—%B chon B=-3;4=1=d:x-3y=0.

Trong mit phang toa do vudng goc Oxy, cho tam giac cAn PRQ , biét phuong trinh canh ddy
PQO:2x-3y+5=0, canh bén PR:x+ y+1=0. Tim phuong trinh canh bén RO biét ring né
di qua diém D(1;1)

A. RQ:17x+7y+24=0. B. RQ:17x-7y—-24=0.
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Cau 44:

Cau 45:

C. RO:17x+7y-24=0. D. RO:17x—7y+24=0.
Loi gidi
Chon C.
Goi phuong trinh canh bén RO di qua diém D ¢6 vécto phap tuyén n = (4;B), A*+B* #0.
Vi tam gidc PRQ céntai R nén (RQ, PQ)=(PQ,PR) < cos(RQ,PQ)=cos(PQ,PR)

24-3B 1
\/%\/ﬁgz:\/ﬁﬁ@ﬁ.pﬁt—wpmzwz
g

A
< T7A4*-244B+17B* =0 & 7
A=B

=

Véi A=¥B chon B=7;A=17= RQ:17x+7y-24=0 .

V6i A=B chon B=1;4=11=RQ:x+y—-2=0 loaivi RQ//PR .

Vay duong thang can im 1a RQ:17x+7y—24=0.

Trong mit phiang Oxy, cho 3 dudng thang d :3x+4y-6=0; d, :4x+3y—-1=0 vad,:y=0.
Goi A=d,Nd, ; B=d,nd,; C=d,Nd,. Viét phuong trinh dudng phan giac trong ctia goc
B

A. 4x-2y-1=0. B. 4x-2y+1=0. C. 4x+8y—-1=0. D. 4x+8y+1=0.
Loi giai
Chon A.
o , . |3x+4y-6=0
A=d,Nd,, suy ta toa do diém A(x;y) thoa man A(-2;3).
4x+3y—-1=0
A 1R , . |y=0 1
B=d,nd,, suy ta toa 4o di€m B(x;y) thoa man = B| —;0|.
4x+3y—-1=0 4
o , . 3x+4y-6=0
C=d,Nd,, suy ta toa do diém C(x;y) thoa man 0 = C(2;0).
y:

4x-2y-1=0 (A1)
4x+8y—-1=0 (A,)
Xét duomg thing (A, ):4x—2y—1=0, taco (4x, —2y, —1)(4x, -2y, —1)=-105<0
Suyra 4 va C nam khéc phia déi véi (A, ).

Phuong trinh cac duong phan gidc goc B la % =1ty & |:

Do d6 dudng phan giac trong goc B 1a (A,):4x-2y—1=0.
Trong mit phing toa d6 vudéng goc Oxy, cho hai duong thang d, vad, lan luot c6 phuong
trinh: d,:x+y=1, d,:x-3y+3=0. Hay viét phuong trinh duong thang d, dbi xtmg véi d,
qua duong thang d,.
A. Tx+y—-1=0. B. 7x+y+1=0. C.7x-y-1=0. D. 7x—-y+1=0.
Loi gidi
Chon A.
Goi I(x;y)=d, nd, . Khi d6 toa do diém 7 13 nghiém ctia h¢ phuong trinh
{XJFy:l @{xzozl(o;l).
x=3y+3=0 y=1
Chon M (1;0)ed,. Goi A diqua M va vudng goc v6i d, .
Suyra A c6dang 3x+y+c=0.
Vi M(l;O)eA:>c:—3 =A:3x+y-3=0.
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Goi H(x;y)=d, A .Khi dé6 toa do diém H 1a nghiém cua hé phuong trinh

3x+y-3=0
x—=3y+3=0

Il Il
wn|loy LW

Goi N la diém ddi xting cia M qua d,.Khid6 H latrung diém ctia MN.
1

Xy =2X, =X, =—
3 =N 1,2 .
12 55

In=2Yy Yy :?

Vay duong thang d, chinh la duong thang IN , ta c6

=

x_(l):lz—_1<:>7x+y—1=0.
0—— “-1
5 5

Cau 46: Trong mat phéng v6i1 hé truc toa d6 Oxy, cho AABC c6 dinh A(3;O) va phuong trinh hai
dudng cao (BB') :2x4+2y-9=0 va (CC') :3x—12y—1=0. Viét phuong trinh canh BC.
A. 4x-5y-20=0. B. 4x+5y+20=0. C.4x+5y—-20=0. D.4x-5y+20=0.
Loi giai

Chon C.
Goi H(x;y) la trye tdm cua tam gidc A4ABC . Khi d6 toa do diém H(x;y) la nghiém cia h¢

11
2x+2y-9=0 |*7 3

phuong trinh = 3 =>H E,é .
3x-12y-1=0 5 3°6
y=g

Phuong trinh canh AC di qua 4(3;0) va vudng goc voi BB’

nén (AC) co dang 2x—2y+c=0.

Vi A(3;0)E(AC) nén 6+c=0=c=-6. Do d6 (AC): 2x-2y-6=0<x—-y-3=0.
Tacé C=ACNCC' néntoadd diem C(x;y) 1a nghiém cua hé phuong trinh

3x—12y-1=0 ~ 9
o Y = 9 :C(ﬁﬁj.
x—y-3=0 8

9

Phuong trinh canh BC di qua diém C (3?5%) nhin AH = (%,%} = %(4; 5). lam vécto phap

tuyén= (BC): 4x+5y—20=0.
Cau 47: Cho tam gidc ABC, dinh B(2;—1), duong cao 4A":3x—4y+27 =0 va duong phan giac trong

cuagéc C 1a CD:x+2y—-5=0.Khi do phuong trinh canh AB la

A. 4x-T7y—-15=0. B. 2x+5y+1=0. C.4x+7y—-1=0. D. 2x-5y-9=0.

Loi giai
Chon C.
Phuong trinh canh BC di qua B(2;—1) va vuong goc voi AA" 1a 4x+3y—-5=0.
x+2y-5=0 x=-1
=

4x+3y-5=0 y=3
Goi M la diém ddi xtmg ctia B qua CD. Khi d6 toa do diém M (x;y) théa man

Goi C(x;y), toa d¢ diem C(x;y) thoa man { = C(-1;3)
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Cau 48:

Cau 49:

2(x=2)=(y+1)=0
(x ) (y+) & 2x-y=5=0 :>M(4'3)
’”2”2+2(y7_1j—5:0 x+2y-10=0 e

Phuong trinh canh AC chinh 1a MC,tacé AC:y=3.

. a2 . . |3x—-4y+27=0 x=-5
Goi A(x;y), toa do diém A(x;y) thoéa man ; = ; = A(-5;3).
Y= Y=
Phuong trinh canh 4B 1a x—7|—5 :y—_43©4x+7y—1:0.

Trong mit phang voi hé truc toa dd Descarter vudng goc Oxy, cho A4BC ¢6 diém A(2;—1)

va hai duong phén giac trong cuia hai goc B, C lan luot c6 phuong trinh (A B) x=2y+1=0,

(Ac):x+y+3=0. Viét phuong trinh canh BC.

A. BC:4x+y+3=0 B. BC:4x-y+3=0. C. BC:4x—y-3=0 D. BC:4x+y-3=0
Loi gidi A

Chon B. B’

+) Goi H (x,;y, ) la hinh chiéu ciia diém 4 lén

= ﬁ L ;Ab, < E.&AB =0.

Taco H(2y, —Ly,)eA,;

AH:(%yH =3y, +1); us, =(21). pF— - c

= AHua, =0 <:>2(2yH—3)+(yH+l):0 = =1:>H(1;1).

Goi M 1a diém ddi xting ciia 4 qua A 5 -

Xy, =2x,-x,=0
Yu =2Vy —Ya=3
+) Goi K (x,:yy ) 1a hinh chiéu cia diém A lén A, = AK Lus, < AKus, =0.
Taco K (x;—x, —3)€Ap; AK =(xg —2;-x, —2); ua. =(1;-1).

= ADKata, =0 < X =2+ x, +2=0x, =0 = K (0;-3).

Goi N la diém ddi xing cia 4 qua A..

Khi d6 H 1a trung diém ctia AM <:>{ = M (0;3).

Xy =2x, —x,=-2
Yu = ZyK —V4= -5
Phuong trinh dudng thing BC chinh I phuong trinh dudng thing MN .

= duong thang BC : X—_O:y—_3<:>4x—y+3:0

Khi d6 K 1a trung diém ctia AN @{ = N(-2;-5).

Trong mat ph'fmg v6i1 hé truc toa do Descarter vudng goc Oxy, cho AABC vudng can tai
A(4;1) va canh huyén BC c6 phuong trinh: 3x— y+5=0. Viét phuong trinh hai canh goc
vudng AC va AB.

A. x-2y-2=0va 2x+y+9=0. B. x-2y+2=0va2x+y-9=0.

C.x-2y+2=0va2x+y+9=0. D. x+2y—-2=0va2x—y+9=0.
Loi giai

Chon A.

Cich 1: Viét phuong trinh duong thang di qua A tao voi duong thang BC mot goc 45°.
Cach 2:
Goi H (x;y) 1ahinh chiéu cia A(4;1) lén BC.

d diqua A(4;1) va vudng goc véi BC nén d c6 dang x+3y+c=0.
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Cau 50:

Vi A(4;1)ed:>7+c:O<:>c:—7 nén d:x+3y-7=0.
Khi d6 toa do diém H (x;») 1a nghiém cua hé phuong trinh
o 4
3x-y+5=0 "5
4 = > =>H —i;E .
x+3y-7=0 13 55
Y=
5
Vi AABC vuédngcantai 4 nén 4, B, C thudc duong tron (C) ngoai tiép AABC c6 tim

sf

H(—?;%) va ban kinh R=AH =——

13)2_128
5

2
Phuong trinh dudng tron (C) : (x + ?j + (y -~
Toa do diém B, C la nghiém cua hé phuong trinh

3x-y+5=0 y=3x+5

42( 13" 128 © 4Y 13 128
X+—=| +Hly—| =— X+—| +|3x+5——| =—
5 5 5 5 5 5
4 37
y=3x+5 x-;:y—?
=
25x% +40x—48 =0 Lo 12 11

5 5

Suyra2dlemB i 3—7 ; C —2;—E hodac C i,3_7 : B _2;_2 )
55 5 5 55 5 5

Vay phuong trinh hai canh 4B va AC la

4 1 —4
(4B): 2= =2 = 2x4+y-9=0; (4C): =2 = x-2y-2-0
4 37 12 ]
o4 2o L4 -
5 5 5 5
« X — 4 x—4 V- B
Hodc (AC) 1 37 &S 2x+y-9=0; (AB) T &S x-2y-2=0
o4 2 L4 -
5 5 5 5

Trong mit phang toa dd Oxy, cho tam gidc AABC vudngtai 4, c6 dinh C (—4;1) , phan giac
trong goc A c6 phuong trinh x+ y—5=0. Viét phuwong trinh dudng thang BC, biét dién tich
tam gidc AABC bang 24 va dinh 4 c6 hoanh d6 dwong.

A. BC:3x—4y+16=0. B. BC:3x—-4y—-16=0
C. BC:3x+4y+16=0. D. BC:3x+4y++8=0
Loi gidi
Chon A.
Cach 1:
Goi D 1a diém ddi xtmg ciia C(—4;1) qua dudng thang x+y—-5=0
, D
suy ra toa do diém D(x;y) la nghiém cua J
(x+4)-(y-1)=0 ot
hé phuong trinh ¢ x4 11 0= D(4;9). S
-5= ~
2 2 S y
Piém A thudc duong tron duong kinh CD c

x+y-5=0

nén toa ¢ diem A(x;y) thoa méan {xz +(y-5) =

5 véi x>0, suy ra diém A(4;1).
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Taco S, =%AB.AC=24 N ABzzj—AéC:6

2

B thudc dudng thing AD: x =4, suy ratoa do B(4;y) théaman (y—1) =36
= B(4;7) hoac B(4;-5).

Do d la phan giac trong goc A4, nén AB va AD cung huéng, suy ra B(4;7).
Do d6, duong thang BC c¢o6 phuong trinh : 3x—-4y+16=0.

Cach 2:
Goi dudng thing AC di qua diém C(—4;1) 6 vécto phap tuyén n=(a;b), a*+b* #0.
- - d
Vi (4C,d)=45° < ‘COS(”AC,I’M) _N2
2 B
la+b| 2 {azo; b=1 45
_— = &> 45°
,\/E\Iaz_kbz 2 b:O; a=1 C x

Véi b=0; a=1 suy duong thing AC:x+4=0= A=ACd = A(—4;9) (loaivi x, >0 )
Véi a=0; b=1 suy duong thing AC:y—-1=0=A4=ACnd = A(4;1).

x+y-5=0

nén toa do diém 4 (x;») thoa man { v6i x>0, suy ra diém A (4;1).

Goi diém B(x;y).
Ta cd AABC vudng tai 4 nén ABAC=0<x=4= B(4;y).
: 2
Laico S, :%AB.AC:24 = AB:j—AgC=6 < (y-1) =36.
= B(4;7) hoac B(4;-5).
Do d 1a phan giac trong goc A4, nén hai diém 4 va B nam khéc phia ddi voi duong thang d

suy ra B(4;7).
Do d6, duong thang BC c¢6 phuong trinh : 3x—4y+16 =0.

Cau 51: Cho A4BC véi A(4;—3),B(1;1),C(—1;—%). Phan giac trong cua goc B ¢6 phuong

trinh:
A. 7x—y—-6=0. B. 7x+y-6=0. C.7x-y+6=0. D. 7x+y+6=0.
Huéng din giai
Chon A.
Goi I 1a chan duong phan giac trong goéc B, ta co:
_4+2(—1)_2
7l 1-4) +(1+3)’ I+2 3
IC BC : . _3+2(_j
(1+1) +(1+j _ 2)_ 4
2 YT TS
Phan giac trong 1a duong thang qua B, I nén c6 phuong trinh:
1
TS -1
N & Tx-y—-6=0.
2 4
I-— 1+
3 3

Cau 52: Cho 2 dudng thing d:x—2y+2=0;d":2x—y—4=0. Hai dudong thang nay chia mit phang

thanh nhiing mién danh s6 1, 2, 3, 4. Piém M thudc mién nao dé (x; y) nghiém ding
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(x—y+2)(2x—y—4) >0
A.Mién 1 va 3
B. Mién 2 va 4
C.Mién 1 va 4
D. Mién 2 va 3
Huéng din giai:

Chon D. |
T 4
x=y+2>0
] {2x—y—4>0 @2"
Tacé: (x—y+2)(2x—y-4)>0
x—y+2<0 4
2x-y—-4<0

Cau 53: : Dién tich tam gidc ABC véi A(3;-4), B(1;5), C(3;1) la

A. 26 B. 25. C. 10. D.5.
Loi giai
Chon D.
Taco AB =(-2;9) =|4B|=
Phuong trinh dudng thang AB 1a =—— X3 y+4 & 9x+2y-19=0.
9.3+2.1-19] 10

Khoang cach tir diém C dén dudng thang 4B 1a d(C,AB)= .

Jor 422 f8s

Dién tich tam gidc ABC 1a S, ——+/85.—2

27 Bs
Ciu 54: Cho duong thang di qua hai diém 4(3,0), B(0;
dién tich tam giac MAB bang 6

=5

) Tim toa d6 diém M nam trén Oy sao cho

A. (0:1). B. (0;8). C. (1,0). D. (0;0) va (0;8).
Loi giai

Chon D.

Taco 4B =(-3;4) =|4B|-

Phuong trinh dudng thing AB 1a §+%:1 < 4x+3y-12=0.
3m—-12| [3m-12
GmM(Om)eOy:d(M AB |m 2| |m5 |
3’ +4

Dién tich tam giac MAB bang 6 nén
3m—-12
1 pm-12]

> :6<:>|3m—12|=12<:{3

<
3m =24

3. Khoang cach tir mét diém téi dwong thang :

m=0 m=0= M (0;0)
m=8= M (0;8)

Phan 1:
Caul: Chodiém M (x,;y,) va dudng thing A:ax+by+c=0 v6i a’ +b> > 0. Khi d6 khoang cach
Ay 18
Ad _ax,+by,+c B.d _|ax0+by0+c|
RN R N E NP
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Cau 2:

Cau 4:

Cau 5:

Cau 6:

C.d _ax,+by,+c
S (Mia) T /az 4 B2 ’
Chon D.

Loi giai

Xem lai cong thuc & sach gido khoa.

Khoang cach tir diém M (15;1) dén duong thing A: {

1
A5, B. —. C. 10
Jio
Loi giai
Chon C.
Puong thang c6 phuong trinh tong quat 1a: x—3y—2=0.
15-3-2| 10
Vay d(M,A | =—=410.
y d(M.A) JI+9 V10
Khoang cach tir diém M (5;—1)dén duong thang A:3x+2y+13=0 1a
13 28
A —. B.2. C. —=.
2 Vi3
Loi giai
Chon D.
15-2+13] 26
Tacé:dM,A=| = =2J13.
(.4) Ja+o 13

Khoang cach tir diém M (0;1)dén duong thang A:5x—12y—1=0 1a

x=2+3t
y=t

C. 1.

Loi giai

la

3 |ax0 +by, +c|

* (M) /a2+b2

[a—
w] N

D. 24/13.

D. J13.

Cho ba diém 4(0;1), B(12;5), C(-3;5). Puong thing nao sau ddy cach déu ba diém 4, B,

B. 2x—6y+21=0.

Loi giai

u g 3

T13° 17

Chon C.

Tacé: d(M,A) 2ol

a co: A)=————=1.
J25+144

C?

A. Sx—-y+1=0.

Chon B.

C.x+y=0.

Ta cod d(A;A) =d(B;A) =d(C;A) =2,v0l A:2x-6y+21=0.

D. x-3y+4=0.

Tim toa d6 diém M nim trén truc Ox va cach déu 2 duong thang: A :3x-2y-6=0

vaA,:3x-2y+3=0

1
A. (o;\/E). B. (5;0) C. (1,0)
Loi gidi
Chon B.
Gia st M (m;0).
Taco: d(M,A,)=d(M,A )©|3m_6|:|3m+3| Sm=—
»=1 >=2 \/m \/m

D. (\/5;0).
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

1
Vay M| —;0
iy [ 3:0).

o . B x=1+3t
Khoang cach tir diém M (2;0) dén duong thing A :{ 1a
y=2+4t
A. 2. B.. C. ﬁ D. ﬁ
NG >
Loi giai
Chon A.
Pudng thang c¢6 phuong trinh téng quat 1a: 4x—3y+2=0.
vay a(m,a) -2
AN T
Khoang céch tir diém M (1;—1)dén dudng thang A:3x—-4y-17=0 1a
A.g. B.ﬂ. C. 2. D. —g.
5 J5 5
Loi gidi
Chon C.
Taco: d(M,A)= |3+4 17|
)= e
Khoang cach tir diém M (1;0)dén duong thing A:3x+4y—1=0 la
A.z. B. 10 C. 2. D.i.
5 J5 25
Loi gidi
Chon A.
Taco: d(M,A)= -1 :g
Ji6+9 5
Khoang cach tir diém M (~1;1) dén duong thang A:3x—4y-3=0 1a
A2 B. 2. c.t p. 2.
5 5 25
Loi gigi
Chon B.
Taco: d(M A):M:Z.
’ V16+9
Khoang cach tir diém O(0;0)dén duong thang A: % %:1 la
A. 4,8. B.L. C.ﬁ. D.L.
10 J14 14

Loi giai
Chon A.
At ol o 8x+6y-48=0
6 8
48]

\J64+36

Khoang cach tir diém M (1;—1) dén duong thang A:3x+y+4=0 1a

Taco: d(0,A)= =438.
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A. 2410 g, V10 c.2. D. 1.
5 2
Loi giai
Chon B.
3-1+4
Ta co: d(M,A):| |=3\/E.
V1+9 5
Céu 13: Khodng céch tir diém O(0;0)dén duong thang A:4x-3y—-5=0 la
A. 0. B. 5. C. 1. D.%.
Loi giai
Chon C.
Taco: d(O0,A)= -5 =1.
V1649
Ciu 14: Cho hai diém A(1;-2), B(-1;2). Duong trung tryc clia doan thing 4B c6 phuong trinh 1a
A. 2x+y=0. B. x+2y=0. C.x-2y=0. D. x-2y+1=0.
Loi giai
Chon C.

Goila M trung diém coa doan 4B = M (0;0).
Puong trung truc cia doan thing 4B di qua diém M va co vipt TB(—Z; 4) nén cé phuong
trinh la: x—-2y=0

Cau 15: Khoang cach tir diém M (O; 3) dén duong thang A:xcosa + ysina + 3(2 —sin a) =01la

A. /6. B. 6. C. 3sinc. D.— >
sina + cos o
Loi giai
Chon B.
Ta co: d(M,A) _ ‘3sina+3(2—sina)‘ _

1
Cau 16: Cho dudng thang A:7x+10y—15=0. Trong céc diem M (1;-3), N(0;4), P(8;0), O(L5)

diém nao cach xa duong thing A nhat?

A. N. B. M. C.P. D. 0.
Loi giai
Chon D.
7-30-15
Ta co: d(M,A):| |= Ll
V7100 149
[40—-15] 25
d(N,A)= =
(¥4) J7 4107 149
7+50-15] 42
d(Q,A)= =
(2:4) J7 4100 149
d(P.A)= 5615 41

V7100 V149
Cau 17: Tinh di¢n tich tam gidc 4ABC biétA(2;—1), B(1;2), C(Z;—4)

A N3

C.3. D.

N | W

3
B. —.
V37
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Loi giai
Chon D.
Tacé: AB=(-13)= AB =410, AC =(0;,-3)= AC =3, BC=(1;~6) = BC =37

3+\/ﬁ+\/§
>p=———

2
:>S_\/3+\/E+\/§.\/ﬁ+\/ﬁ—3_3+\/ﬁ—\/§_3—\/ﬁ+\/ﬁ 3
2 2 2 2

Cau 18: Tinh di¢n tich tam gidc 4ABC biét A(3;2), B(O;l), C(I;S)

11 11
A —. B. V17. C.11. D. —.
V17 2
Loi giai
Chon D.

Ta cé:?Cz(l;4):>BC=Jﬁ
Phuong trinh dudng thang BC:4x—y+1=0

:S:%Bc-d(A,Bc):%Jﬁ-l:E

J17 2
Cau 19: Tinh dién tich tam gidc 4BC biét 4(3;-4), C(3;1), B(L5)
A. 10. B. 5. C. 26 D. 2./5.
Loi giai
Chon A.

Ta co: BC = (2;-4) = BC =20
Phuong trinh dudng thing BC:x—2y—1=0

:>S=%BC~d(A,BC)=%\/%-£=IO

J5
CAau 20: Tinh chiéu cao tuong ung véi canh BC cua tam giac ABC biét A(1;2), C(4;0) , B(0;3)
A3, B. L. c. L. D. 2.
5 25 5
Loi giai

Chon B.
Ta c6: BC =(4;-3)
Phuong trinh dudng thang BC :3x+4y—-12=0

3+8-12
<:>d(A,BC):—| |:é
Cau 21: Khoang cach giita hai duong thing A :Tx+y-3=0vaA,:7Tx+y+12=0 la
A.L. B. 9. C.ﬂ. D. 15.
NE 2
Loi giai
Chon C.
Liy M (0;3)eA,
3+12
Ta o A A, = d (8, A, ) = d (M, A, ) = 2L _3V2
\1+49 2
Cau 22: Khoang cach giira hai duong thing A :3x—4y=0va A,:6x-8y—-101=0 la
A. 1,01. B. V101 . C. 10,1. D. 101.
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Loi gidi
Chon C.
Lay M (0;0)e A,

101} 101

Tacé:Al//Az:>d(AI,Az)zd(M,Az)zm=W=10,1.
Cau 23: Khoang cach giita hai duong thing A Sx=Ty+4=0va A,:5x-7y+6=01a

4 6 2 10

A —. B. —. C. —. D. —.
J7a J7a J7a J7a

Loi gidi

Chon C.

Liy M (2;2)eA,
: 10-14+6] 2

Taco: A /A, = d(A,A,)=d(M,A,)= NIRRT

Chu 24: Cho dudng thing di qua hai diém A4(3;-1), B(0;3). Tim toa dd diém M thugc Ox sao cho
khoang cach tir M dén duong thing AB bing 1

A. MG;OJ vaM (1;0). B. M (+13;0).

C. M(4,0). D. M(2;0).
Loi giai

Chon C.

Ta cod: AB = (—3;4)
Phuong trinh dudng thing AB:4x+3y—-9=0.

m=1
Goi MWﬂ):d(M,AB):@:la 7 :»MG;O] vaM (1;0)
m=_
2
Céau 25: Cho hai diém 4(2;3), B(1;4). Duong thang ndo sau day cach déu 4 va B?
A. x+y-1=0. B. x+2y=0.
C.2x-2y+10=0. D. x—y+100=0.
Loi giai
Chon A.
4
Vid(B,A)=d(A4,A)=—
d(8.8)=d(4.8)= %

Cau 26: Cho duong théng di qua hai diém A(3;O) , B (0; —4) . Tim toa do diém M thudc Oy sao cho
dién tich tam gidc MAB bang 6

A. M(01). B. M (0;0) vaM (0;-8).
C. M (10). D. M(0;8).

Loi giai
Chon B.

Ta cd: AB= (-3;—4)
Phuong trinh dudng thing AB:4x—-3y—-12=0.

: 1 1 [3m+12] m=0
Goi M (0;m) => Sy, =Ed(M,AB)-AB=6 o =6
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Vay M(O;O) VéM(O; —8)
Cau 27: Cho duong théng di qua hai diém A(1;2) , B (4;6) . Tim toa do diém M thudc Oy sao cho
dién tich tam gidc MAB bang 1

A. M(0;1). B. M (0;0) VéM[O;%)
C. M(0;2). D. M(1;0).

Loi giai
Chon B.

Ta co: E:(3;4)
Phuong trinh dudng thing AB:4x—-3y+2=0.

. 1 1 |m-3 "=
Goi M (0;m) = S, ZEd(M,AB)-Ale @E-—-\/?zzl =

72 -

Wl O

Vay M (0;0) VéM(O;%)

Cau 28: Cho M (1;—1) va dudng thang A:3x+4y+m=0. Tim m >0 sao cho khodng cach tir M dén
duong thang A bang 1

A. m=9. B. m=19.

C. m=6. D. m =—4 hoac m=-16.
Loi gidi

Chon C.

, |3—4+m| m=06
Tacod(M,A)=1e— =1
5 m = —4(loai)

Vay m=6.

Cau 29: Cho M (2;5) va dudng thang A:3x+4y—m=0.Tim m sao cho khoang cach tir M dén
duong thing A bang 1
A. m=31 hoac m=11. B. m =21 hoac m =31.
C. m=11 hoac m=21. D. m==11.

Chon B.
, |6+20—m| m=21
Tacod (M, A=l —=1&
5 m=31
Cau 30: Cho hai diém A(l;l) , B(3;6) . Tim phuong trinh dudng thang di qua A va cach B mot

khoang bang 2 la:

A. x—-1=0va2lx-20y-1=0. B. x+y-2=0va 21x-20y-1=0

C.2x—y—-1=0va 2Ix-20y—-1=0 D. —x+y=0.va 21x-20y—-1=0
Loi gidi

Chon A.

Phuong trinh dudng thang A can tim di qua diém 4 c6 dang:
a(x—l)+b(y—1)=0(a2 +b* % 0).

2a+5b) h=0
Ta c6 :>d(B,A)=2<:>W:2<:>21b2+20ab:0<:> b:—%a

Vay phuong trinh duong thang can tim1a: x—1=0, 21x—20y—-1=0
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Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cho hai diém A4(3;2), B(-2;2). Tim phuong trinh dudng thang di qua 4 va cach B mot
khoang bang 3 la:

A.3x+4y—-17=0va 3x+7y—-23=0. B. x+2y-7=0va3x-7y+5=0
C.3x-4y-1=0va3x-7y+5=0 D. 3x+4y—-17=0.va 3x-4y—-1=0
Loi giai

Chon D.

Phuong trinh dudng thang A cin tim di qua diém A c6 dang:
a(x—3)+b(y-2)=0(a*+b* #0).

3
|54 N R
Taco = d(B,A)=3 & ——==3 164" =9’ <
a’ +b’ 3
a=-=b
4
Vay phuong trinh duong thang can tim 13 : 3x+4y—-17=0, 3x—4y—-1=0

x=3+¢

Diém A(a;b)thude dudng thang d : { va cach duong thing A:2x—y—3=0 mot

y=2+t

khoang 1a 2+/5 va a>0.Khi d6 tacé a+b bing

A. 23. B. 21. C. 22. D. 20.
Loi giai

Chon A.

Tacd: AB= (-3;4)

Phuong trinh dudng thing AB:4x+3y-9=0.

. |t+l| t=9
Goi A(3+¢;2 d(A,A)=—=2~5 A(12;11).
0ol A(3+52+1) = d(4,A) = 5o t:—ll(loai): (12;11)
=a+b=23

Cho hai diém A(3; 2) , B(—4; 1) , C(O;3) . Tim phuong trinh dudng thang di qua A va cach
déu Bva C.

A. x+y-5=0va3x+7y—-23=0. B. x+y-5=0va3x-7y+5=0
C.x+2y-7=0va3x-7y+5=0 D. y-2=0, x-2y+1=0

Loi gidi
Chon D.

Phuong trinh dudng thang A cin tim di qua diém A4 c6 dang:
a(x-3)+b(y-2)= O(a2 +b* % O).

|7a+b| |—3a+b| Ta+b=-3a+b a=0

= = &
Ja+b ot +b? Ta+b=3a-b b=-2a
Vay phuong trinh dudng thang can tim1a: y—2=0, x—2y+1=0
Bén kinh ciia dudng tron tam 7(0;—2) va tiép xuc v6i dudng thang A:3x—4y—-23=0 la:
3

A. 15. B.g. C.5. D. 3.

Taco d(B,A)=d(C,A) <

Loi gidi
Chon D.
TacoR=d(1,A)=3
Vi nhitng gi tri nao ctia m thi dudng thang A: 4x+3y+m =0 tiép xtc v6i dudng tron
(C):x*+y*-9=0.
A.m=-3. B. m=3 vam=-3

Trang 62/12



Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

C.m=-3. D. m=-15 va m=15
Loi giai

Chon D.

Duong tron (C) co tam 1(0;0), ban kinh R=3.

Duong thang Atiép xtic v6i dudng tron (C) < R=d(I,A) < @ =3 o m==%I15.

Bén kinh ciia dudng tron tam 7(2;2) va tiép xtc voi duong thang A:3x+4y+1=0 la:
A. 15. B.%. C.5. D. 3.
Loi gii
Chon D.
TacoR=d(I,A)=3

Puong thang nio sau day song song va cach dudng thang XT_I = yT+1 mot khoang bang J10

?
x=243t
A.3x+y+6=0. B. x+3y+6=0. C. . D. x-3y+6=0.
y=1+t
Loi giai
Chon D.
A:XT_lzyT”@x—3y—4=o. Lay M(7;1)e A

Phuong trinh duong thing d cén tim ¢6 dang : x—3y+C =0(C = —4)

Theo bai ra ta co: d(M,d)zx/E@M:\/ﬁc{C:6

J10 C=-14
Phuong trinh dudng thang d cantimla: x—3y—14=0, x-3y+6=0
Puong théng A:5x+3y =15 tao vdi cac truc toa d0 mot tam giac c6 dién tich béng bao nhiéu?

A. 5. B. 5. C. 15. D. 3.
Loi giai

Chon A.

ANOx=A4(3;0), AnOy =B(0;5).

1 1
Vay S, =50A-OB=?5=7,5.

Cho duong thdng A:x—y+2=0 va cic diem O(0;0), 4(2;0). Ttim diém O’ ddi xtmg véi
O qua A.
A. 0'(-2;2). B. O'(-1;1). C. 0'(2-2). D. 0'(2;0).

Loi giai
Chon A.
Aix-y+2=0 covtep u=(L1).
Phuong trinh dudng thing OO’ di qua diém Ova c6 vtpt ula: x+ y=0.
Co O0'NA=1(-11). Vi I latrung diém cia OO’ nén suy ra 0'(-2;2).

Tim tap hop cac diém c6 ti s6 cac khoang cach dén hai duong thang sau bang
%:d:Sx—12y+4:0 vaA:4x—-3y—-10=0.
A. x-9y—-14=0va3x-5y—-6=0. B. 9x-5y—-6=0 va 9x—y+14=0
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Cau 41:

Cau 42:

Cau 43:

C. x+9y-14=0va 9x+9y—-6=0 D. x-9y+14=0, 9x-15y—-6=0
Loi gidi

Chon D.

Goi M (x;y).

d(M,d)zéd(M,A) o [Sx—12y+4[ _ 5 [4x-3y-10) Q{x—9y+l4=0

13 13 5 9x-15y-6=0

Cho 3 duong thang A, :x+y+3=0, A,:x—y-4=0, A,:x—2y =0 Biét diém M nam trén
duong thing A, sao cho khoang cach tir M dén A, bang hai 1an khoang cach tir M dén A, . Khi
d6 toa do diém M 1a:

A. M (-2;-1) va M (22;11). B. M (-22;-11).

C. M(-2;-1). D. M (2;1)va M (-22;-11).
Loi gidi

Chon D.

Liy M (2t;t) e A,

d(M,AI):2d(M,A2)<:>|3t+3|=2|t_4|@{tﬂ M (21);M (<22:-11)

2 2 t=-11
Cho duong thing di qua hai diém 4(2;2), B(5;1). Tim toa d¢ diém C trén duong thing
A:x—2y+8=0 sao cho dién tich tam giac ABC bang 17.

A. C(12;10) vac(—?;—%} B. C(-12:10).
C. C(-4;2). D. C(l,ﬂj
510
Loi giai
Chon A.
Taco: AB=(3;-1)
Phuong trinh dudng thing AB:x+3y—8=0.
=10

. 1 1 |5c-16] ¢
Goi C(2¢-8;c) =S =—d(C,4AB)- AB=17T < —+—F—J10=17 <

01 ( ¢ C) acap =5 ( ) 2 J1o Jio c:—§

1
Vay C(12;10) vac(—?;—?gj
Cho dudng thing A:x—y+2=0 va cc diem O(0;0), 4(2;0). Trén A, tim diém M sao cho

d6 dai dudng gap khiic OMA ngin nhit.

A M E,E . B.M(—l;l). C. M —i;E . D. M —g;i .
3°3 3°3 3°3
Loi gidi
Chon D.

Nhén xét O va 4 nam vé cing mot phia so v6i duong thang A.

Goi diém O' la diém do6i xung véi O qua duong thang A . ’

Tacd OM + MA=0O'M + MA> O'4 . Vay d6 dai duong gap khic ngan nhat khi M =O'ANA.
Phuong trinh duong thang OO : x+y =0.

C6 OO'NnA= l(—l;l). Vi I 1a trung diém ctia OO’ nén suy ra O’(—2;2).

Phuong trinh dudng thing 40" : x+2y—2=0.
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Cau 44:

Cau 45:

Cau 46:

Cau 47:

:M[—z,ﬂJ
33

Trong mat phéng v6i hé truc toa dd Oxy, cho hinh chit nhat ABCD c6 phuong trinh 2 canh la:
2x-3y+5=0, 3x+2y—-7=0 vadinh A(Z;—3) . Tinh dién tich hinh chir nhat do.

20 B. 2% c.2. D. 12.
13 26
Loi giai
Chon A.

Goi d:2x-3y+5=0; A:3x+2y—-7=0.
Nhénxét d LA, 4(2;-3)ed;A.

Dién tich hinh chit nhat1a: § =d (A,d)-d (4,A) [4+9+5] [6-6+7] _126
1 1 . == ’ . , = . —
' ' J13 J3 13

Trong mat phrfmg v61 hé truc toa do Oxy, tinh dién tich hinh vudng c6 4 dinh nam trén hai

dudng thang song song: d,:3x—4y+6=0 va d,:6x—8y-13=0.

L B. 2. C. 10. D. 25.
10 4
Loi giai
Chon B.
Lay M (-2;0)ed,
, -12-13) 5

Nhén xét canh hinh vudng c6 d6 dai la: a=d(d,,d,)=d(M,d,) == =5

P A , 25
Dién tich hinh vuéngla: S =a =T'

Trong mit phang véi hé truc toa dd Oxy, cho AABCcd A(1;-1), B(-2;1), C(3;5). Tinh dién
tich AABK vé6i K 1a trung diém cta AC .

A. Sy =11(dvdr).  B. S, =1—21(dvdt). C. S, =10(dvdt). D. S, =5(dvdt).
Loi gidi

Chon B.

Ta c6 K (2;2)

AB =(-3;2) = Phuong trinh canh 4B: 2x+3y+1=0.

Taco:= Sy :%d(K,AB)-AB:%-w-\/ﬁzE

J13 2

Trong mat phrfmg v61 hé truc toa do Oxy, cho hai duong thrfmg x+y—-1=0va3x—-y+5=0.

Hay tim dién tich hinh binh hanh cé hai canh nam trén hai duong th'fmg da cho, mdt dinh 1a

giao diém cua hai duong thang d6 va giao diém cta hai duong chéo 1a 1 (3; 3) .

A. S pep =74(dvdt).  B. S0, =55(dvdt). C. S0, =54(dvdt). D. S, 0, =65(dvdt).
Loi giai

Chon B.

Goi hinh binh hanh 1a ABCD va d:x+y—-1=0; A:3x—y+5=0.

Khong lam mét tinh tong quat gia st d "A=A(-1;2), BeA, Ded.

Tacod NA=A(-1;2). Vi 1(3;3) la tm hinh binh hanh nén C(7;4)

AC =(8;2) = Duong thing AC coptla: x—4y+9=0.
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Cau 48:

Cau 49:

Cau 50:

Do BC//A = Dudng thing BC di qua diém C(7;4)va co vipt n=(3;-1)c6 pt la:
3x-y—-17=0.

Khi @6 deC:B(%;—Zj

2
z+14+9
Ta c6: S, pep = d(B,AC)~AC:T~2\/ﬁ =55
Trong mat phéng v6i hé truc toa dd Oxy AABC c6 dinh A(2; —3), B (3; —2) va dién tich
AABC bang % . Biét trong tdm G ctia A4BC thudc duong thing d :3x—y—8=0. Tim toa do
diém C.
A. C(l;—l)vé C(4;8). B. C(l;—l)vé C(—2;10).
C. C(—l;l)vé C(—2;10). D. C(—l;l)vé C(2;—10).
Loi giai
Chon B.

AB =(1;1) = Duong thang AB co ptla: x—y-5=0.
Goi G(a;3a—8):>C(3a—5;9a—19).

, 1 1 |[-6a+9 3 a=2
TaCO:SACAB:Ed(C’AB)'ABZE.%'\/EZEQ[a:1

Vay C(1;-1)va C(-2;10)

Cho duong thang A:21x—11y—10=0. Trong cac diém M (20;-3), N(0;4), P(-19;5),
Q(I;S) diém nao cach xa duong thang A nhat?
A. N. B. M. C.P. D. Q.
Loi giai
Chon C.
21.20+33-10] 443
Taco: d(M,A)= = )
( ) N2 41717 V562
—44-10
Tacd: d(N,A)= | | _ M .
V2124112 562
[-399-55-10| 464
Taco: d(P,A)= = .
( ) V212 +171° V562
21-55-10
Ta c6: d(Q,A):| |: sl
V2124112 V562
Trong mat phéng v6i hé truc toa dd Oxy, cho hai duong théng

A ix—y+1=0,A,:2x+y-1=0 vadiém P(2;1).Viét phuong trinh dudng thang di qua
diém P va cét hai duong thrfmg A, A, 1an luot tai hai diém A, Bsaocho P la trung diém
AB .

A. 4x-y-7=0. B. x-y-5=0.

C.4x+y-9=0. D. x-9y+14=0.
Loi giai

Chon A.

Taco A NA, =1(0;1).
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Vi 4eA, :>A(a;a+1).Vi P(2;1)12‘1trung diém cta doan 4B :>B(4—a;1—a).

Mat khac BeA2:>a:§:>A §’£
3 3'°3

ap 2 8 A L r \

AP = §’§ = Duong thang AP:2x+y—-5=0coptla: 4x—y-7=0.

Céu 51: Trong mat phéng v6i hé toa do Oxy cho hinh chit nhat ABCD biét AD =2A4B, duong
thang AC ¢ phuong trinh x+2y+2=0, D(l;l) va A(a;b) (a,beR,a>O). Tinh a+5b.
A.a+b=-4. B.a+b=-3. C.a+b=4. D. a+b=1.
Loi giai
Chon D.
Cach 1: Goi 4(a;b). Vi A€ AC:x+2y+2=0 nén a+2b+2=0=a=-2b-2
Do a>0 nén —2b-2>0=5b<-1 (*)
Khi d6 A(-2b-2;b).
Taco AD=(2b+3;1-b) la vécto chi phuong ciia duong thang AD .

ii =(2;—1) 1a vécto chi phuong ctia duong thang AC .

Trén hinh V€, tan« :i—g:%: cos o =% (1) A(a;b)a D(L1)
Lai c6 cosa = |ADM| S+ (2)
‘ [4D| | \/_\/m R c
5[6+1]

Tu (1) va (2) suyra

b’ +2b-3=0=b=-3 (do (¥)) > a=4.

5B +2b+2 \/_
Khi do A(4;—3), suyra a+b=1.

Cach 2: Goi 4(a;b). Vi A€ AC:x+2y+2=0 nén a+2b+2=0=a=-2b-2
Do a>0 nén —2b-2>0=b<-1 (*), khido 4(-2b-2;b).
ViCeAC:x+2y+2=0 nén C(—2c—2;c)

Taco: AD =(3+2b;—1-b); CD =(3+2¢;1-c).

ul CD
Chon {H |_q|:>u (¢c—1;3+2¢)
i

 (AD L CD AD =2u
Ta co: = __.
{AB:2CD {AD:—M
— . [3+2b=2¢-2 b=-3
1 V61 AD =2u = = 1 (t/m)

I-b=6+4c c=——
2

o (342b=-2c+2 b=1 )
1 V61 AD =-2u = = 3 (khong t/m)
1-b=-6-4c c=—5

Viay A(4;—3), suyra a+b=1.
Cau 52: Trong mit phing toa do Oxy, hinh chiéu vuong goc ciia diém A(2;1) trén duong
thing d :2x+y—7=0 c6 toa dod la
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B. G%j C. (31). D. (%9

Loi gidi
Chon D.
Puong thing A di qua A va vudng goc voi duong thing d c6 phwong trinh
a(x-2)-2(y-1)=0 < x-2y=0.

H 13 hinh chiéu vudng goc cua diém A4 trén duong thing d = H =d NA

14
) . i S . 2x+y-7=0 X 5 14 7
Tao d0 H la nghi¢m cua h¢ phuong trinh & =>H|—;—|.
x=2y=0 7 55
yzg

Cau 53: Cho tam giac ABC c6 dién tich bang S :%, hai dinh A(2;-3) va B(3;-2). Trong

tdm G nam trén dudng thang 3x—y—8=0. Tim toa do dinh C?

A. C(-10;-2) hodc C(L;-1). B. C(-2;-10) hodc C(1;-1).
C. C(-2;10) hoac C(1;-1). D. C(2;-10) hoge C(1;-1).
Loi giai
Chon B.
3 1

Goi G(a;3a-8).Do S, :E:SGAB =5
Duong thing 4B nhan AB =(1;1) 1 véc to chi phuong nén c6 phuong trinh x—y-5=0.
la—(3a—8)-5| [3-24]
JE+(-1) V2
3-24]

NG

AB=+2, d(G;4B)=

Do S,,, =%:>%.AB.d(G;AB) =% o2,

=1<:>|3—2a|=1<:>[a:
a

=2

Véi a=1=G(1;-5)= C(-2;-10).

Véia=2=G(2-2)=C(;-1).

Vay C(-2;-10) hogc C(1;-1) thoa man yéu clu bai toan.

Cau 54: Trong mit phiang Oxy, cho tam giac ABC c6 A(—4;—l) , hai duong cao BH va CK

c¢6 phuong trinh 1an luot 14 2x—y+3=0 va 3x+2y—-6=0. Viét phuong trinh duong thing
BC va tinh dién tich tam gidc 4ABC.

A.BC:x—yzO;Sz%. B.BC:x—y:O;S:?.
2
C. BC:x+y:0;S:75. D. BC:x+y:0;S=375.
Loi giai

Chon D.
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B ¢ J8

+ BH c6 vécto phap tuyén n,, (2;-1). CK c6 vécto phap tuyén n,, (3;2).

+ Pudng thang AB vuéng goc CK nén nhan n,, (3;2) lam vécto chi phuong, vi thé 4B c6

vécto phap tuyén n,, (2;-3). Mat khac AB di qua 4(—4;-1) nén c6 phuong trinh:
2(x+4)-3(y+1)=0 < 2x-3y+5=0.

+ Puong thing AC vudng goc BH nén nhan n,, (2;-1) 1am vécto chi phuong, vi thé AC ¢6

vécto phap tuyén 7, (1;2). Mat khac AC di qua A(—4;—1) nén c6 phuong trinh:
1(x+4)+2(y+1)=0 & x+2y+6=0.

2x-3y+5=0

+ B 1a giao diém cua AB va BH . Xét hé:
2x-y+3=0

x=-1
B(-L1).
Q{yﬂ = BCL)

. L2 X+2y+6:0 x=6
+ C la giao diém cua AC va CK . Xét hé: & = C(6;—6).
3x+2y-6=0 y=

+ Puong thing BC c6 vécto chi phuong 1a BC =(7;-7) nén c6 vécto phip tuyén la
71:(7;7).Véy BC ¢6 phuong trinh: 7(x+1)+7(y—1)=0c>x+y:()_

+ BC=\7"+(-7) =72.

‘ 41 s
+ Chiéu cao ké tir 4 cla tam gidc ABC 1a d(A4,BC)= | | ==,
P+ V2
+ Dién tich tam giac ABC la: S21.7\/5.i:£.
2 22

Céu 55: Cho A4(L;—1), B(3;2). Tim M trén truc Oy sao cho MA’ + MB® nho nhét.

A. M(0;1). B. M (0;-1). C. M(O;%). D. M(O;—%j.
Loi giai

Chon C.

M trén truc Oy = M (0;).

MA=(;~1-y); MB=(3;2-y)

1) 19 1Y 19 19
MA* + MB* =10-2y+2y* =2 yV —y+— |+ —==2| y—— | +—=>—=
reey (y 4 4) 2 (y 2} 2 2

Gia tri nho nhét cua (MA2 +MBZ) bing %
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¢ . 1
Dau bang xay ra khi y = 3

, , x=3—-t .
Cau 56: Diem A(a;b) thudc duong thing d :{ ~ va cach duong thing A:2x—y-3=0
mot khoang bang 25 va @>0.Tinh P=ab.
A. P=72. B. P=-132. C. P=132. D. P=-T72.
Loi giai

Chon C.

Dudng thing A va c6 vecto phép tuyén la 7i = (2;-1).

Diém A thudc duong thing (d) = A(3-1,2-1).
2(3-1)-(2-1)-3

d(A;A)=| ( t) ( t) |:2\/§

2° +1

~t+1=10 [t:—9
& :

—t+1=-10 t=11

Véi t=-9= A(12;11) > ab=12.11=132.

Véi t=11= A(-8;-2) (loai).

e |-t+1]=10 @{

Cau 57: Cho tam gidc ABC cb A(%,%) va hai trong ba dudong phan giac trong cd phuong

trinh 1an lugt 14 x—2y—1=0, x+3y—1=0. Viét phuong trinh dudng thiang chira canh BC.

A. y+1=0. B. y-1=0. C. 4x-3y+1=0. D. 3x—-4y+8=0.
Loi giai

Chon A.

(5 5) x+3y-1=0

D@ thiy diém AG;%} khong thudc hai duong phan gidc x—2y—-1=0 va x+3y—1=0. Suy

goi CF:x-2y—1=0, BE:x+3y—1=0 lan lugt 1a phuong trinh dudng phan giac xuat phat
tu dinh C, B (nhu hinh V€ trén).

Goi d 1a duong thang qua A[%;%) va vudng goc v6i BE thi d ¢o VTPT 1a n, = (3;-1) nén

c6 phuong trinh 3(x—%]—(y—%j:0<:> 3x—y—1=0.Toadd diém M =d N BE théa min
x—2
3x—y—-1=0 T 5
he 1% Soom21)
x+3y—-1=0 1 55
5
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Cau 62:

Cau 63:

Cau 64:

Cau 65:

Suy ra toa d6 diém ddi xtng véi A(i,%j qua M(%,%j la A'(O;—l) thi 4" BC (1) .
Goi d' 1a dudng thing qua A(— —j va vudng goc voi CF thi d' ¢ VIPT 1a n, =(2;1) nén
c6 phuong trinh Z(x—%}r(y—gj 0< 2x+y—-3=0.Toadd diém N =d'NCF thoa min

X

7

2x+y-3=0 3
hé Yy & 5:>N z,l .
x=2y-1=0 1 55
5

Suy ra toa do diém déi ximg vi A(%;%) qua N(%%) la 4"(2;-1) thi 4" BC (2).

Tu (1) va (2) taco AA4" = (2;0) 1a mot VTCP cta BC suy ra VIPT cta BC la n= (0;1).
Do d6 phuong trinh canh BC:0(x—0)+1(y+1)=0< y+1=0.
Phén 2:

Khoang céach tir diém A(1;1) dén duong thing 5x—12y-6=0 la

A.13. B. —-13. C. -1. D. 1
Loi giai
Chon D
Khoang cach tir diém 4(1;1) dén duong thang A:5x—12y-6=0 1a
|5.1-12.1-6|
d(4,A ==
52 +(-12)
Khoang cach tir diém M(S;—l) dén duong thang 3x+2y+13=0 la:
A. 24/13. B. 2 C. 26. D.ﬁ.
J13 2
Loi giai
Chgn A
3.5+2.(-1)+13
Khoang cach d = | |: 6 =213
V32 +22 J13
Khoang cach tir diém A (1;—1) dén duong thang A:3x+y+4=0 la
A.l. 5.@. c.2. D. 210
5 2
Loi giai
Chon B
Khoang cach tir diém A7 (1;—1) dén duong thang A:3x+ y+4=0 la
3.1-1+4
d(M;A)= | I _3*@.

NSRRI

Trong mit phing Oxy, khoang cach tir diém M (3;— 4) dén duong thang A:3x—4y—1=0.
AS B2 c. 2. p. -2
5 5 5 5
Loi giai
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Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Chon B

33— 4 -1 24
Taco: d(M,A)= | |
3+ (—4) B
Khoang cach tir diém A(-3;2) dén duong thing A:3x — y+1=0 bang:
A. 0. B-Eii CVEME. p. L
5 5 J10
Loi giai
Chgn A
3 -2+1
Ta co d A; A | | J1o0.

o

Trong mit phiang Oxy, khoang cach tir gdc toa @ O dén dudng thang d :4x—3y+1=0 bang

A3, B. 4. C. 1. Q,g
Loi giai
Chon D
Taco d(0,d)= [40- 30+1|
V4 +3 5

Mot dudng tron c6 tim (3;-2) tiép xtc véi duong thang A:x—5y+1=0. Héi ban kinh

duong tron bang bao nhiéu?

14 7
A —— B. —. C. J2e. D. 6.
— 26 13
Loi giai
Chgn A

p 5.( +q
i J_

Trong mit phang Oxy , khoang cach tidiém M (0;4) dén

Goi ban kinh ctia duong tron 1a R. Khi d6: R = d 1, A

thing A : x cosa + y sinat +4(2—sina)=0 bang

A. \/§ B. 4sina.. C. ; D. 8.
cosaL + sino
Loi giai
Chgon D
‘O coso.+ 4. szna+4(2 szn(x)‘
Taco: d(M,A)= =8
Jeos*o + sin*a.
Khoang cach tir 7(1;—2) dén duong thing A :3x—4y—26 =0 bing
A. 3. B. 12. C.5. D.%.
Loi giai
Chon A

duong
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Khoang cach tir diém M (x,;y,) dén duong thang A: ax+by+c=0 la:
|ax0 +by, +c
Vay khoang cach tir 7(1;—2) dén duong thang A:3x—4y—26 =0 bing
3.1-4.(-2)—26] _ ;

3+ (—4)
Cau 71: Khoang cach tir giao diém cua hai duong thing x—3y+4=0 va 2x+3y—1=0 dén duong

d(M,A) =

d(I,A) =

thang A:3x+y+4=0 bang:

A. 24/10. B.@. g.@. D. 2.
Loi giai
“3p+4=0 —-1 34144
AR —>A(—1;1)—>d(A;A)=| 2 ponc
2x+3y-1=0  |y=1 NCFS N

Chu 72: Trong mit phing v6i hé toa dd Oxy, cho tam gidc ABC c6 A(1;2), B(0;3) va C(4;0).

Chiéu cao ciia tam giac ké tir dinh 4 bang:

AL B. 3. c.=. D.>.
5 25 5
Loi gidi
A(1;2) 3+8-12] 1
—h,=d(4BC)="—r=="=—.
{3(0;3),C(4;0)—>BC:3x+4y—12:0 ¢ =d(4:50) Jo+16 5

Chon A

Céu 73: Trong mit phang v6i hé toa dd Oxy, cho tam gidc ABC cbd A(3;-4), B(1;5) va C(3;1). Tinh
dién tich tam gidc ABC'.

A. 10, B. 5. C. \26. D. 245.
Loi giai
A(3;-4) AG4) BC=245
Cach I: {3(1;95),0(3;1)% BC=25 _){h =d(4;BC)=+5
BC:2x+y-7=0 4 ’

—> S 5 =%.2\/§.\/§ =35. Chon B

. 1 2 2 5 77\
Céch 2: 5,5 = AB*.AC ~(4B-4cY) .
Chu 74: Khoang cach tir diém M (0;3) dén duong thing
A:xcosa+ysina+3(2-sina)=0 bing:

3
A. /6. B. 6. C. 3sina. pD.— > .
cosa +smma

Loi gii
~ |3sina+3(2—sina)|

Jeos® a +sin* a

d(M;A) =6.Chon B
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. . , x=1+3t .
Cau 75: Khoang cach tir diém M (2;0) dén dudng thang A:{ o ds bang:
y=z+
A2 5. 2. c. 10 p. .
5 J5 2
Loi giai
AT aesayi2 0 a () =B chgn A
: —>A4AX—23y+ts=U0—> JA)= =2. on
y=2+4 Y J16+9
A 2 7 5 A <\ + R A A R X . ~ N 2 X=2+3l
Cau 76: Khoang cach nho nhat tur diem M (15;1) dén mot di€m bat ki thudc duong thang A : ,
y:
bang:
A. 10 B. —— c. 18 D. 5
= . . \/ﬁ. o \/g. . .
Loi giai
x=2+3¢ 15-3-2
A: —)A:x—3y—2:0&>MNmm:d(M;A):g:\/ﬁ,
y=t J1+9
Chon A

Cau 77: Tim tat ca céc gié tri ciia tham s0 m dé khoang cach tir diem A(-1;2) dén duong thang

A:mx+y—m+4=0 bang 25

m=-2 1
A.m=2. B. 1 C.m=——. D. Khéng ton tai m1 .
m=— 2
2
Loi gidi
-m+2-m+4
d(A;A):| ne - nr |:2\/§<:>|m—3|:\/§.\/m2+1<:>4m2+6m—4:0
m” +1
m=-2
= 1 - Chon B
m=5

Cau 78: Tim tat ca cac gia tri cia tham s6 m dé khoang cach tir giao diém cua hai dudng thing

x=t L :
dlz{ va d,:x—2y+m=0 dén goc toa 4o bang 2.

y=2-t

m=-4 m=-4 m=4 m=4
A. . B. . C. . D. .

m=2 m=-2 m=2 m=-2

Loi gidi

x=t
d, :{ {dl x+y-2=0 {x:4—m

y=2-t - =

d,:x=2y+m=0 y=m-2

d,:x=2y+m=0

—> M (4-m;m—-2)=d, Nd,.

e 2 2 ) m=72
Khi d6: OM =2 < (4-m) +(m-2) =4 m —6m+8:0c{ . Chon C
m=
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Ciu79: Duong tron (C) c6 tam la gbc toa do O(0;0) va tiép xitc véi dudng thing

A:8x+6y+100=0.Béankinh R cia dudng tron (C) béang:

A R=4. B.R=6. C.R=8. D. R=10.
Loi gii
100

Céu 80: Duodng tron (C) c6 thm [(-2;-2) va tiép xtic voi dudng thang A:5x+12y—10=0. Ban kinh
R ctia duong tron (C) béng:

A R=2 B. R=22. C.R=44. D. R=-L.
13 13 13
Loi giai
~10-24-10
Red(r;a)=10224710 44 o a

V25+144 13
Cau8l: Cho dudng thang d:21x—11y—10=0. Trong céc diem M (21;-3), N(0;4), P(-19;5) va
O(1;5) diém nao gan dudng thang d nhat?

A M. B. N. C.P. D. 0.
Loi giai
f(M(21;-3)) =464
N(0;4))=54
f(xy)=21x-11y-10/ > f(N(0:4) Chon D
f(P(-19;5)) = 464
F(O(1:5))=44

Chu 82: Cho duong thing d:7x+10y—15=0. Trong cac diém M (1;-3), N(0;4), P(-19;5) va

O(1;5) diém nao cach xa duong thing ¢ nhat?

A. M. B. N. C. P. D. 0.
Loi giai
f(M(1;-3))=38
f(N(0;4))=25
;¥)=|7x+10y—15 C C
f(x y) | x+10y |—> f(P(—19;5))=98 hon
7(0(1:35))=42

Céu 83: Khoang cach giira hai dudng thing song song
A :6x-8y+3=0va A,:3x—4y—6=0 bang:

Al B> C.2. .2
2 2 2
Loi giai
A(2;0)eA, 12+3 3
Sd(A;A)=d(4A,) = ==. Chen B
{A2||A1:6x—8y+320 (8:8,)=d(4:4)) Jioo 2

Trang 75/12



. =2+t
Cau 84: Tinh khoang cach gitra hai duong thang d : 7x+y—-3=0 va A :{x 7y
y=z<-
2
A.i. B. 15. C.9. D.L.
2 V50
Loi giai

{A(—2-2) eA, i, =(7;1)

d:Tx+y-3=0-1n,=(71)

>AMd—>d(d;A)=d(4;d)= %—T Chon A

Cau 85: Khoang cach giira hai dudng thing song song
d, :6x—8y—101=0 va d, :3x—4y=0 bang:

A 10,1, B. 1,01 C. 101. D. V101
Loi giai
A(43)ed 24-24-101
(4:3) <, L d(dsdy) <A 1016 Cgn &
d, ||d,:6x—8y—-101=0 Jioo 10

Dang 3.2 Phuong trinh dudng thang lién quan dén khoang cach
Céu 86: Cho hai diém A(3;1),B(4;0). Duong thang ndo sau day cach déu 4 va B?

A. 2x+2y-3=0. B. 2x-2y-3=0. C. x+2y-3=0. D. 2x+2y—-3=0.
Loi giai

Chgon D

Goi d 1a duong thang duoc cho trong cac phuong an. Khi do:

+) Phuong én A.

d(A’d)=|—2.3+2.1—3|= 7 d(B,d) = [-24+2.0-3 d(4.d)#d(B.d).
J2y+2 w2 J(2) +2° 2\/_

Loai phuong an  A.

+) Phuong én B.

d(aa) <2222 e g RAT2OTY S gy e aa),
22 4 (-2) 2\/E 22+ (-2) 2\/5

Loai phuong &n  B.
+) Phuong én C.
d(4,d)- 3+2.1-3 2 d(B.d) - [4+2.0-3]
S e S e
Loai phuong an  C.
+) Phuong én D.

d(A,d)=d(B,d).

d(A,d) 23+2.1-3 (B d)_|2.4+2.0—3|_ o d(Ad)=d(B,d)
V22 22 Zﬁ’ ’ 24(2) 22 | |

Chon phuong an  D.
Céu 87: Trong mit phang v6i hé toa dd Oxy, cho hai diém A(2;3) va B(1;4). Puong thang nao sau
day cach déu hai diém A4 va B?
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A. x—y+2=0. B. x+2y=0. C.2x-2y+10=0. D.x-y+100=0.
Loi gidi
Puong thang cach déu hai diém A4, Bthi dudng thiang d6 hodc song song véi AB, hodc di qua

trung diém I cua doan AB.

A(2;3) I(i,zj
Ta co: 4 —<\2 2 — AB||d:x—y—-2=0. Chon A
’ AB=(-1;1) > ii,, =(L1)

Cau 88: Trong mit phang véi hé toa dd Oxy, cho ba diém 4 (0;1), B(12;5) va C(-3;0). Pudng thing
nao sau ddy cach déu ba diém 4, B va C.
A. x-3y+4=0. B. —x+y+10=0. C. x+y=0. D. 5x-y+1=0.
Loi giai
D@ thiy ba diém 4, B, C thing hang nén duong thang cach didu 4, B, C khi va chi khi ching
song song hodc trung v4i AB .

Taco: AB=(12;4)—>ii,, =(1;-3) > AB|/d :x—3y+4=0. Chon A

Ciu 89: Trong mit phang véi hé toa 46 Oxy, cho hai diém A(L1), B(-2;4) va duong thang

A:mx—y+3=0.Tim tit ca cac gi4 tri ciia tham s6 m dé A cach déu hai diém 4, B.

m=1 m=-1 m=-—1 m=2
A. . B. . C. . D. .
m=-2 m=2 - |m=1 m=-2

Loi giai

15

q I|-=2

Goi [ la trung diém doan AB — ( 2 2)
AB=(-3;3) > i, =(L1)

Khi d6: A:mx—y+3=0 (ii, =(m;—1)) cich déu 4,B

Slm -1 2 2 . Chon C

m=-1

fea _m_3 3o [m:l
=
11 m=-1

Cau 90: DPuodng thang A song song voi dudng thang d :3x—4y+1=0 va cach d mot khoang bang 1
c6 phuong trinh:
.3x—4y+6=0 hoac 3x—-4y—-4=0.

1>

B. 3x—4y—-6=0 hodc 3x-4y+4=0.
C.3x—4y+6=0 hoac 3x—-4y+4=0.
D. 3x-4y—-6=0 hoac 3x-4y—-4=0.
Loi giai
{d:3x—4y+1=0—>M(1;1)ed_)1:d(d;A):d(M;A)ZHQ{c?{
Alld >A:3x—-4y+c=0 5 c=06

Chgn A

Céau 91: Tap hop cac diém cach duong thang A:3x—4y+2 =0 mot khoang bang 2 13 hai dudng thing
c6 phuong trinh nao sau day?
A. 3x-4y+8=0 hodac 3x-4y+12=0.
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Cau 92:

Cau 93:

B. 3x—4y—-8=0 hodac 3x—4y+12=0.
C.3x-4y—-8=0 hodc 3x—-4y-12=0.
D. 3x-4y+8=0 hodac 3x-4y-12=0.
Loi giai
3x—-4y+2 3x-4y+12=0
©w=2©|: * Y

. Chon B
3x-4y-8=0

d(M(x;y);A)z

Trong mit phang voi hé toa d6 Oxy, cho hai duong thing d :5x+3y-3=0 va

d, :5x+3y+7=0 song song nhau. Duong thang vira song song va cach déu véi d,d, la:

A. Sx+3y-2=0. B. 5x+3y+4=0.
C. 5x+3y+2=0. D. 5x+3y—-4=0.
Loi giai
Sx+3y-3| |5x+3y+7
d(M(x;y);dl)=d(M(x;y);d2)<:>| NeT |=| Ner |<:>5x+3y+2=0.

Chon C
Trén hé truc toa d0 Oxy, cho hinh vuong ABCD. Piém M thudc canh CD sao cho
MC=2DM, N(0;2019) 1a trung diém cua canh BC, K 1a giao diém cua hai dudng thang
AM va BD. Biét duong thang AM c6 phuong trinh x—10y+2018 = 0. Khoang cach tir gbc
toa dd O dén dudng thang NK bing

2019v101
A. 2019. B. 2019+101. C. % D. 9—
11 101
Loi giai
Chgon D

Goi canh hinh vudng bang a. Do AABK ~ AMDK = MD % = 1 = DK = 1 .
‘AB KB 3 B 4

Tacéw=5+ﬁzﬁ+ép—c 4 5
NK=BK~BN =2 BD -~ BC=>(BA+BC)-1BC="BA+. N
4 2 4 2 4 4

| —— = v

T va suyra AMNK—ZADBC+4BADC 0= AM L NK.

D M c
Vi AM 1 NK nén NK cé phuong trinh tong quat: 10x+y—2019=0.
[-2019] 20194101

Jiesz 101

Khoang cch tir O dén NK 1a d(O,NK ) =

CAau 94: Trong mat phing toa 46 Oxy, goi d 1a duong thang di qua M (4;2) va cach diém A(1;0)

khoang cach % Biét rang phuong trinh dudng thing d c¢6 dangx+by+c=0 voi b,c la

hai s6 nguyén. Tinh b +c.
A. 4. B. 5. C. —1. D. -5.
Loi giai

Chon C
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Cau 95:

Cau 96:

Cau 97:

Taco: M(4;2)ed < 4+2b+c=0=c=—-4—2b. (1)

[+ 3410 - ,
d(A,d)—W— 10040 =9(1457). ()

b = —3(tmdk)
Thay ¢ =-4-2b vao PT (2) ta dugc PT: 316° +1206+81=0 < 27
b= —=L (kimak)
31
=>b=-3,c=2=b+c=-1..
Trong mit phing v6i hé toa dd Oxy, cho dudng thang A:x+(m—1)y+m=0 (m 1a tham s6

bat ki) va diém A(5;1). Khoang c4ch 16n nhat tir diém 4 dén A bang

A. 2410. B. /10. C. 410. D. 34/10.
Loi gidi
Chgn A

x
A:x+(m—1)y+m=0®(y+1)m+x—y:OVm<:>{
Suy ra A ludn di qua diém cé dinh H (-1;-1).

Khi d6, véimoi M e A, tacd d(A;A)= AM< AH .
Gié trj 16n nhit ciia d (4;A)= AH khi M = H = maxd (4,A) = AH =210 .

Chuyén Lé Hong Phong-Nam Pinh Puong thing 12x+5y =60 tao voi hai truc toa d6 mot

tam giac. Tong do dai cac duong cao cua tam giac do la

A% B 2L c.2® D. 20
13 - 13 17
Loi giai
Chon B

Goi A, B lan luot 14 giao diém cua duong thang da cho véi Ox, Oy .
Taco 12x+5y =60 <:>§+%:0.Do d6 4(5;0), B(0;12).

, 12.0+5.0-60
Goi H 13 hinh chiéu ctia O 1én 4B . Khi d¢: OH:d(O;AB):| |=@.
122 +5° 13

Tam gidc OAB 1 tam giac vudng tai O nén tong do dai cac duong cao la

60 281
OA+OB+0OH =5+12+—=——.
13 13

Trén mit phang toa dd Oxy, cho cac diém A(1;-1) va B(3;4). Goi (d) 1a mot duong thang bat

ki luén di qua B. Khi khoang cach tir A dén duong thing (d) dat gia tri 16n nhat, dudong

thang (d) c6 phuong trinh nao dudi day?

A. x—y+1=0. B. 3x+4y=25. C.5x-2y-7=0. D. 2x+5y—-26=0.
Loi giai

Chon D
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Goi H la hinh chiéu ctia diém 4 1én dudng thang (o). Khi d6 ta

co:d(A,(d))=AH < AB = \/(3 —1)2 +(4+ 1)2 =29 . Do 6 khoang cach tir 4 dén duong thang
(d) dat gia tri 16n nhat bang /29 khi H =B hay (d) L 4B tai B.

Vivay (d) diqua B vinhan 4B=(2;5) lam VTPT.

Do d6 phuong trinh cta dudng thang (o) 1a 2(x—3)+5(y—4)=0& 2x+5y-26=0.

DANG 4. XAC PINH PIEM
Cau 98: Cho duong thiang d:3x+5y—15=0. Trong cac diém sau day, diém niao khong thudc duong

thang d

A. M,(5;0). B. M,(-5:6). C. M,(0;3). D. M,(5;3).
Loi giai

Chon D

Thay toa d6 cac diém vao phuong trinh duong thing d , ta c6 M M, M,ed va M,ed.
Dang 4.1 Xac dinh toa hinh chiéu, diém ddi xung
Cau 99: Trong mat phéng véi hé truc toa do Oxy, cho tam giac ABC c6 A(4;3) , B(2;7) , C(—3;—8) .

Toa do chan duong cao ké tur dinh A4 xuéng canh BC la:

A. (-1;4). B. (1;-4). C. (1;4). D. (41).
Loi gidi
Chon C
Phuong trinh dudng thang di qua hai diém B va C c6 dang: ;H_; = J7}—+§ S3x—y+1=0
+ +

Pudng thing di qua 4 va vudng goc voi BC ¢ phuong trinh:
1(x-4)+3(y-3)=0 < x+3y-13=0

Toa d6 chan dudng cao ké tir dinh 4 xudng canh BC 1a nghiém cua hé phuong

3x—y+1=0 x=1
<~ .
x+3y—-13=0 y=4

Céu 100: Cho duong thing d:—3x+y—-5=0 va diém M(—2;1). Toa d6 hinh chiéu vudng goc cua

trinh:

M trén d 1a
A. (Z,—ij B. (—Z,ij C. (—Z;—ij. D. (—é,iJ
5 5 55 5 5 75
Loi giai
Chon B

Goi A la duong thiang di qua M va vudng goc véi d .
Ta c6 phuong trinh cua A 1a: x+3y—-1=0
Toa d6 hinh chiéu vudng goc cia M trén d 13 nghiém cua hé phuong trinh:
__7
Bx+y-5=0 |*7 3
= .
x+3y—-1=0

_4
Y75
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Cau 101: Toa d6 hinh chiéu vuéng goc ctia diém M(I;Z) lén duong thang A:x—y=01a

A 6%} B. (L1). C. (2:2). D. (_%;_gj.

Loi giai
Chgn A
Duong thing A ¢6 1 VIPT 1a n=(1;—1)nén A ¢ 1 VTCP la u =(1;1)

Goi H 1a hinh chiéu vudng goc ctia M (1;2) 1én dudng thang A, toa do H (¢;¢)

Vi MHJ.A:WJ.&:W.&:0<:>t—1+t—2=0<:>t:%: H(%%)

Cau 102: Trong mat phéng toa do Oxy, cho tam giac ABC véi dinh A(2;4) , trong tam G[2;§] . Biét

rang dinh B nam trén duong thang (d ) c6 phuong trinh x+ y+2=0 va dinh C co6 hinh
chiéu vudng goc trén (d) 1a diém H (2;—4). Gia st B(a;b), khi d6 T =a—3b bing

A. T=4. B.T=-2. C.T=2. D.T=0.
Loi giai
Chon C
A
G
B i C
H

Goi M la trung diém cua canh BC. Ta c6

w—2==(2-2)
— 3 2
AM == AG & ,suyra M (2;—1).
2 3(2
yM_4:E 5—4

HM =(0;3) suyra HM khdng vudng goc voi (d) nén B khong tring véi H.
B(a;b)e(d):>b:—a—2.

Tam gidc BHC vudng tai H va CM 1a trung tuyén nén ta co

MB=MH < (a—2) +(a+1) =9 d —a—2=0&

Suyra B(—1;—1)va T =a—3b=2.
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Cau 103: Trong mit phang toa dd Oxy, cho hinh chir nhat ABCD c6 diém C thudc duong thing d:
2x+y+5=0 va diém A(—4;8). Goi M ddi xing v6i B quaC, diém N(5;—4) 1a hinh chiéu
vudng goc cia B 1én duong thing MD . Biét toa d6 C(m;n), gia tri cia m—n 1a

A. 6. B. 6. C. 8. D. 7
Loi giai
Chon C
A B
D C
N
M

Goi C(t;-2t-5)e(d).

D@ thay hai tr gidc BCND va ADNB i tiép.
{BNC - BDC

Suy ra

— ANC =90° < CN L AN .

BNA = BDA
Do do CN.AN =0 9(5-1)—-12Q2t+1)=0 <=1 =1= C(1;-7).
Viy m—n=1+7=8
Dang 4.2 Xac dinh diém lién quan dén yéu t6 khoang cach, goc
Cau 104: Cho hai diémA(S;—l),B(O;3). Tim toa d6 diém M thudc Ox sao khoang cach tr M dén
duong thing AB bang 1.

A. M(%;OJ va M(1,0). B. M (V13;0).
C. M (40). D. M (2;0).
Loi giai
Chgn A
Goi M (x;0).

Taco AB=(-3;4)
Phuong trinh dudng thing AB:4x+3(y—3):0 < 4x+3y-9=0.

|4x—9| x=Z
d(M;AB)=T<:>5=|4x—9|<:> 2
x=1

Vay M[%;OJ;M(I;O).
Cau 105: Trong mit phing véi hé toa dd Oxy, cho hai diém A(1;1), B(4;-3) va duong thing
d:x-2y-1=0.Tim diém M thudc d c6 toa dd nguyén va thoa min khoang cach tir M dén
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duong thang 4B bang 6.

27
A. M (3;7). B. M(7;3). C. M(-43;-27).  D. M(3;—Hj.
Loi giai
Med:x—2y—l=0—)M(2m+l;m),meZ )
. Khi d6
AB:4x+3y-7=0
18 +4+3m—7] m=3
6=d(M;AB)= e |lim-3]=30 < 27 ,.—>M(7;3). Chon B
m:—(l)
11
A < . < R 2 x:2+2t
Cau 106: Trong mat phang v6i hé toa do Oxy, cho diém A4(0;1) va duong thang d : e Tim
y=3+
diém M thudc d va cach 4 mot khoang bﬁng 5, biét M c6 hoanh d6 am.
M (—4;4)
A M (4:4) B C M[—ﬁ-i} D. M (~44)
. ;4). . M(—ﬁ;—gj' C. 55 ) . ;4).
5 5
x=2+2t . .
Med: - — M (2+26;3+1) v6i 2421 <0< 1 <—1. Khido
y=3+
r=1() 24 2
5=AM < (20+2) +(1+2) =255 +12t-17=0 = 17 —>M(—?;;—§J.
t=——
5
Chon C

Cau 107: Biét rang c6 dung hai diém thudc truc hoanh va cach duong thing A:2x—y+5=0 mot
khoang bang 24/5 . Tich hoanh d6 ctia hai diém d6 bang:
A. B B. -2 c. -2, D. Pap s6 khac.
4 4 4
Loi giai
Goi M (x;0) e Ox thi hoanh d6 cua hai diém d6 1a nghiém cua phuong trinh:
xX= > _ X
2x+5 To
d(M;A)=2\/§<:>| i |=2J§@ 2 —>x1~x2:—§. Chon A

J5

Céu 108: Trong mit phang voi hé toa dd Oxy, cho hai diém A(3;-1) va B(0;3). Tim diém M thudc
truc hoanh sao cho khoang cach tir M dén duong thang 4B bang 1.
()
3

R A ) RN G55 B
M (10) M(%;Oj M (~1,0) M(—%;Oj

Loi giai
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7

M (x;0) - xz——)M(—;O)

—)l:d(M;AB):TQ 2 2" ). Chon A

Cau 109: Trong mit phing v6i hé toa d6 Oxy, cho hai diém A(3;0) va B(0;—4). Tim diém M thudc
truc tung sao cho dién tich tam gidc MAB bang 6.

M(O;O) M(O;O)

A. . B. M (0;-8). C. M (6;0). D. .

M(O;—8) M(O;6)

Loi giai
Ta co
AB:4x-3y-12=0
Y 1 _[3y+12]  |»=0->M(00)

AB=5 —56=8,,5=—25. o .
2 5 y=-8— M (0;-8)

3y+12

M (0;) >, :d(M;AB):—| y+12
Chon A

Cau 110: Trong mdt phang voi hé toa d6 Oxy, cho hai duong thing A, :3x-2y—6=0 va

A,:3x-2y+3=0. Tim diém M thudc truc hoanh sao cho M cach déu hai dudong thang da

cho.

A. M(O;%). B. MG;OJ. C. M(—%;O]. D. M (+2;0).

Loi gidi
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Chuong III. PHUONG PHAP TOA PO TRONG MAT PHANG

Bai 1. PHUONG TRINH DUONG THANG
I. LY THUYET

1. Vecto chi phwong

Vecto ; = 6du’qc goi 12 vecto chi phuong (VTCP) ctia duong thang A néu gia cta né song song hoic
trung voi A.

Nhan xét : Néu u 13 VTCP ctia A thi ku(k = 0) cling 1a VTCP ciia A.
2. Phuong trinh tham sé ciia dwong thing

Cho duong thang A di qua M, o(@y,) va ; = (a;b) 1a VTCP. Khi d6 phwong trinh tham s6 cua dudng
thang c6 dang:

r=u1x,+at
teR.
y =1y, +obt
Nhanxét: A € A & Az, + at;y, + bt)
3. Phuwong trinh chinh tic ciia dwong thing

Cho duong thang A di qua M, (z,;y,) va u = (a;b) (voi a = 0, b = 0) 1a VTCP. Khi d6 phuong trinh

chinh tic ciia dudng thang c6 dang:

4. Vecto phap tuyén ciia dwong thing

Vecto ; = 6 goi 12 vecto phap tuyén (VTPT) cia A néu gia ciia nd vudng goc véi A.
Nhan xét : Néu n 1a VIPT cia A thi kn(k = 0) ciing 1a VTPT cia A.

5. Phwong trinh tong quat ciia dwong thang

Cho duong thang A di qua M, o(@;y,) vaco VIPT ; = (a;b) . Khi d6 phuong trinh téng quét clia
dudng thing c6 dang:

Chuay:

_Néu duong thing A taz + by + ¢ = 0 thi n = (a;b) 1a VIPT ciia A.

6. Cac dang dic biét ciia phwong trinh tong quat

e A song song hodc trung véitruc Oxr < A:by +¢ =0
e A song song hodc trung voitruc Oy < A :ax +c¢ =0
e Adiquagdctoadd < A:azx+by =0



e A diquahaidiém A(q;0), B(0;b) & A f+% =1 véi (ab = 0)
a

e Phuong trinh duong thang c6 hé s6 goc k 1a y = kx + m voi k = tana, o 1a gbc hop boi tia
Mt cia A & phia trén truc Oz vatia Mz ( M 1a giao diém cua A va Ox).
7. Lién hé giita VTCP va VIPT

VTPT va VTCP vudng goc voi nhau. Do d6 néu A c6 VTCP u = (a;b) thi n = (—=b;a) 1a mot VIPT
cua A.
8. Vi tri twong d6i ciia hai dwong thing

. 5 Acax+by+c =0
Cho hai duong thang
A, ia,x+by+c,=0

Dé xét vi tri twong dbi cua hai duong thang A, va A, taxét s6 nghiém cua hé phuong trinh

ax+by+c =0 0
a,x+b,y+c,=0
@ Cha y: Néu a,b,c, #0 thi:
b
ANA, &—Lx-L
a, b,
b
AJIA, &2 8
a, b, ¢
A=A, o b_a

9. Goc giira hai dwdng thang.

Géc giita hai duong thang A, va A, ¢6 VIPT n, =(a;;b,) va n, =(a,;b,) duoc tinh theo cong thirc:

> o
v n,.n a,a, +bb
COS(ApAz):COS(l’ZI’nz): | 1°°72 | — | 14, 0, |

- 7 2 2 2 2
|n, || n, | \/a1+b1.\/a2+b2

10. Khoang cach tir mdt diém dén mét duong thang.

Khoang cach tir mot diém M (xo; yo) dén duong thang A:ax+by+c =0 cho bdi cong thirc:

| ax, + by, +c|

Na® +b?

d(Mo,A) =

II. DANG TOAN
1. Xac dinh vecto phap tuyén; vecto chi phwong ciia dwong thing
Phuwong phap giai

-Néu 7 13 VTPT clia A thi kn(k #0) ciing 1a VTPT ciia A.



-Néu u 1a VTCP ctia A thi ku(k #0) ciing la VTCP cta A.

- Hai duong thiang song song voi nhau thi VTPT cta dudng nay la VTPT cia duong kia; VTCP cua
duong nay ciing 1a VTCP cua duong kia.

- Hai dudng thang vudng goc véi nhau thi VTPT cua duong nay 1a VTCP cua dudng kia va nguoc lai.

- VTPT va VTCP cua 1 dudng thang vudéng goc véi nhau. Do vay néu A c6 VTCP "= (a;b) thi
n=(-b;a) 1lamodt VIPT cua A.

A. Vi DU MINH HQOA
, 5 x=2+3t
Vi du 1: Vecto chi phuong cia duong thang 3 la:
y=-3-
Ao, =(2;-3). B.u, =(3;-1). C.u, =(3; 1). D. u, =(3;-3).

Vi du 2: Vecto nao dudi day 1a mot vecto chi phuong cua dudng thing di qua hai diém A(—3;2) va

B(1;4)?

Ao =(-1;2). B. u, =(2;1). C. u, =(-26). D. u, =(11).
Vi du 3: Vecto phép tuyén cta dudng thing 2x—3y+6=0 1a:
A. n,=(2;-3) B.n, =(2;3) C. n,=(32) D. n, =(-3;2)
Vi du 4: Vecto chi phuong ctia duong thang §+§ =1 la:
A, ua=(-23) B.ux=(3%-2)  C.us=(32) D. ui =(2;3)

Hwéng din giai:

Chon dap an B

%%:1@ 2x+3y—6=0 nén dudng thing c6 VTPT Ia n=(2;3). Suy ra VTCP 1a u = (3;-2).

Vi du 5: Vecto phép tuyén cta dudng thang 2x—3y+6=0 1a:
A n,=(2-3) B.n, =(2;3) C. n,=(32) D. n, =(-3;2)

Vi du 6: Vecto nao dudi day la mot vecto phap tuyén ciia duong thing di qua hai diem A(2;3) va
B(4;1)?
A n=(2%-2).B.n,=(2-1).  C.n=(L1). D. n, =(1;-2).

B. BAI TAP TU LUYEN

NHAN BIET

Caul. Mot dudng thing c6 bao nhiéu vecto chi phuong ?
Al B.2 C.3 D. Vo s6

Cau2. Mot duong thing c6 bao nhiéu vecto phap tuyén ?



Al B.2 C.3 D. Vo sb.

A \ Lt 3R TN A s 7 \ 2 =2
Cau 3. Vecto nao dudi day la mot vecto chi phuong ctia duong thang 4 : {x 1 6r ?
y==-

A.u =(6,0).  B.u, =(-6;0). C.u, =(2;6). D. u, =(0;1).

1
Cau 4. Vecto nao dudi day 1a mot vecto chi phuong ctia duong thang A : !x =373t 9

y=-—3+43¢

A u =(-1;3) B.Z:[%ﬁ] C.u = —%;3 D. u, =(-1,-6)

Ciu 5. Cho dudng thing A c6 phuong trinh tong quat: —2x+3y—1=0. Vecto ndo sau day 1a vecto chi
phuong ctia dudng thang A.
A.(3;2). B.(2;3). C.(-3:2). D. (2;-3).

Ciu 6. Cho duong thang A c6 phuong trinh tong quat: —2x+3y—1=0 . Vecto nao sau ddy khong la

vecto chi phuong cua A
A.(l;%). B.(3:2). C.(2:3). D. (-3-2).
Cau7. Cho duong thing . 2x+3y—4=0 . Vecto nao sau day 1a vecto phap tuyén cia -
A. n,=(32). B. n, =(-4,-6).  C.n,=(2-3). D.n,=(-23).
THONG HIEU

Cau 8. Vecto nao dudi day 1a mot vecto chi phuong cia dudng thang di qua hai diém 4(—3;2) va B(1;4)?

A. u =(-12). B. u, =(2;1). C. u, =(-2;6). D. u, =(31).
Cau 9. Vecto chi phuwong va vecto phap tuyén ctia mot duong thang:
A. Song song vi nhau. B. Vuong gdc véi nhau.
C. Trung nhau. D. Bang nhau.
Céu 10. Vecto nao dudi day 1a mot vecto chi phuong ciia dudng thing di qua gbc toa do 0(0;0) va diém
M (a;b)?
A. u_;:(O;a—f—b). B. ujz(a;b). C. u_;:(a;—b). D.Zz(—a;b).

Cau 11. Vecto nao duéi day 1a mot vecto chi phuong ctia duong thing di qua hai diém 4(a;0) va B(0;6)?
A. u =(a;-b) B. u, =(a;0). C. u, =(ba). D. u, =(~b;a)

Céu 12. Puong thing 4 ¢ mot vecto chi phuong 13 » = (2;—1). Trong cac vecto sau, vecto nao la mot
vecto phap tuyén cta 4 ?
A. n =(-12). B. n, =(1,-2). C. n, =(-36). D. 1, =(3;6).

Céu 13. Puong thiang ¢ c6 mét vecto phap tuyén 1a »= (4,—2). Trong cac vecto sau, vecto nao la mot

vecto chi phuong cua 4 ?



A =(2-4). B. i, = (~2;4). C. w, = (1,2). D. u, = (21).

Cau 14. Cho dudng thing c6 vecto phap tuyén n=(-2;3). Vecto nio sau 1 vecto chi phuong ciia
duong thing do.
A.u=(23). B.u=(3;-2). C.u=(3;2). D. u=(-33).

Ciu 15. Cho dudng thang c6 vecto phap tuyén n= (—2;0) .Vecto nao khong la vecto chi phuong cua
duong thang do.
A.u=(0;3). B.u=(0;-7). C.u=(8;0). D. u=(0;-5).
VAN DUNG
Céu 16. Vecto nao dudi day 1a mot vecto chi phuong cua dudng thing song song véi truc Ox?
A. u =(10). B. u, =(0;—1). C. u, =(-11). D. u, =(1;1).
Céu 17. Vecto nao dudi day 1a mot vecto chi phuong cia dudng thing song song vai truc Oy?
A. u = (1,-1). B. 4, =(0;1). C. u, =(10). D. u, =(31).
Ciu 18. Vecto nao duéi day 1a mot vecto chi phuong cta dudng phan giac goc phan tu thir nhat?
A. u =(1;1). B. u, =(0;—1). C. u, =(10). D. u, =(-11).
Céu 19. Vecto nao dudi day 1a mot vecto phap tuyén ciia dudng thang song song véi truc Ox?
A. 1, =(0;1). B. n, =(1,0). C. n, =(-1,0). D. n, =(L;1).
Cau 20. Vecto nao dudi day 1a mot vecto phap tuyén ciia duong thang song song vai truc 0y?
A. n =(1;1). B. 1, = (0;1). C. n, =(-11). D. n, =(1,0).
Céu 21. Vecto nao dudi ddy 1a mot vecto phap tuyén ciia dudng phan giac goc phan tu thir hai?
A. n =(11). B. 1, =(0;1). C. n, =(1,0). D. n, =(-11).
Céu 22. Puong thang d c6 mot vecto chi phuong 1a i = (3;—4). Buong thang A vudng goc voi d co6 mot
vecto phap tuyén la:
A. 1 =(43). B. n, =(—4;-3). C. n,=(3;4). D. n, =(3;-4).

Ciu 23. Duong thang d c6 mot vecto phip tuyén 1a »=(—2;-5). Dudng thing A vudng goc véi d co

mot vecto chi phuong la:
A. u =(5-2). B. u, =(-5;2). C. u, =(2;5). D. u, =(2;-5).
Cau 24. Tim vecto phép tuyén ciia duong thang di qua hai diem A4(1;2),B(5;6).
A. n=(44) B. n=(1;1). C. n=(-42). D. n=(-11).
Ciau 25. Duong thing d c6 mot vecto chi phuong 1a i =(3;-4). Dudng thing A vudng goc véi d 6

mot vecto phap tuyén 1a:

A =(43). B. n,=(—4-3). C.n=(34). D. n, =(3;-4).



Cau 26.

Puong thing d ¢6 mot vecto phap tuyén 13 n = (~2;-5). Puong thing A vuéng goc véi d ¢6

mot vecto chi phuong la:

A. u, =(5-2). B.u, =(-52).  C.u,=(25). D. u, =(2;-5).
CAu 27. Puong thing d c6 mdt vecto chi phuong 13 u = (3;—4). Dudng thing A song song v6i d 6
mot vecto phap tuyén la:
A. n =(43). B. n,=(-4;3).  C.n,=(34). D. n, =(3;-4).
Ciu 28. Duong thang d c6 mot vecto phap tuyén 1a n= (—2; —5). Puong thing A song song véi d ¢o
mot vecto chi phuong la:
A. u, =(5-2). B. u, =(-5-2). C.u,=(25). D. u, =(2;-5).
Cau 29. Vecto nao dudi day 1a mot vecto chi phuong cta dudng thing song song véi truc Ox ?
A. u, =(1;0). B. u, =(0;-1). C. u,=(-1L1). D. u, =(L1).
C. DAP AN PHAN BAI TAP TU LUYEN
1.D 11.A [|21. A
2.D 12.D |22.D
3.D 13.C |23.C
4. C 14.C |24.D
5.A 15.C |25.D
6. C 16. A |26.C
7.B 17.C |27.A
8.B 18.D |28.A
9.B 19.A [29. A
10.B [20.D

2. Viét phwong trinh dwong thing

Phwong phap giai

1. Dé viét phuong trinh tong quat ciia dudng thang A ta can xac dinh
-Diém A(z;y,) € A

- Mt vecto phap tuyén ﬁ(a;b) cua A

Khi d6 phuong trinh tong quét cia A 1a a(z —x,) +b(y —y,) =0

2. Bé viét phuong trinh tham s cua dudng thiang A ta can xac dinh
- biém Alzy,) € A

- M6t vecto chi phuong ;(a;b) cua A



Khi d6 phuong trinh tham s cua A 1a -

3. Bé viét phuong trinh chinh tic ciia dudng thang A ta can xé4c dinh
-biem A(z;y,) € A

- Mot vecto chi phuong ;(a;b), ab = 0 cla A

Phuong trinh chinh tic ctia duong thang A 13 T Y _b Yo
a

(trwong hop ab = 0 thi dwong thang khéng cé phirong trinh chinh tic)
4. Dudng thang qua diém M (x,;y,) c6 hé sb géc k c6 phuong trinh 1a
y =k(x—x0)+y0
Chuy:

u

v' Néu hai duong thang song song v&i nhau thi chiing c6 cing VTCP va VTPT.

v Hai duong thang vudng goc véi nhau thi VTCP cua duong thang nay 1a VTPT cua duong
thang kia va nguogc lai

v Néu A ¢6 VICP u = (a;b) thi n = (~b;a) 1a mot VIPT ciia A.

A. Vi DU MINH HQOA
1. Viét phwong trinh dwong thing di qua 1 diém va biét VTPT
Vi du 1: Dudng thing di qua 4(-1;2), nhan n=(1;-2) 1am véc to phap tuyén c6 phuong trinh la:
A. x-2y-5=0. B. 2x+y=0 C.x-2y-1=0 D. x-2y+5=0
Loi giai
Chon D.
Goi (d) la dudng thang di qua va nhan n= (,—-2) lam VTPT
=(d):x+1-2(y-2)=0=x-2y+5=0

Vi du 2: Viét phuong trinh tham s6 cta duong thing A di qua M (1;-3) va nhan vecto 7(1;2) lam vecto

phap tuyén.
=1+t
A Aix+2y+5=0 B. A"
y=-3+2t
=1-2t -
C. A’ . D A2l y¥3
y=-3+t -2 1
Loi giai

Chon C.



Vi A nhan vecto 7(1;2) lam vecto phap tuyén nén VTCP cua A la ﬁ(—2;l).

x=1-2¢

Vay phuong trinh tham s6 ciia duong thing A 1a { 34
y=->+

2. Viét phwong trinh dwong thing di qua 1 diém va biét VTCP

Vi du 1: Viét phuong trinh duong thing (d) di qua M (-2;3) vacé VICP i =(1;,—4).

x=-2+3¢ xX=-2+t x=1-2¢ x=3-2¢
A. . B. C. . D.
y=1-4¢ y=3-4t y=—4+3t y=—4+t
Loi giai
Chon B.

Duong thing (d) di qua M (-2;3) va c6 VICP i =(1;—4) nén c6 phuong trinh:
x=-2+t
y=3-4¢
Vi du 2: Viét phuong trinh chinh tic ctia dudng thang A di qua M (l; - 3) va nhan vecto ﬁ(l; 2) lam

vecto chi phuong.

A A:2x—y—5=0 B AL _YE3
1 2
=1+t —
c. A" . p. A X3
y=—3+2 1 2
Loi giai
Chon B.

Puong thing A di qua M (1;— 3) va nhan vecto ;( L 2) lam vecto chi phuong c6 phuong trinh chinh tic
y+3

7

T
1

3. Viét phwong trinh duong thing qua 1 diém va song song véi 1 dwdng thiang cho trude.

Vi du 1: Cho duong thing (d) :x—2y+1=0. Puong thing (A) di qua M(l;—l) va song song vdi (d)
c6 phuong trinh:
A. x-2y-3=0. B. 2x+y-1=0. C.x-2y+3=0. D. x+2y+1=0
Loi giai

Chon A.

Do (A) song song v6i (d) nén c6 phuong trinh dang: x—2y+c=0(c#1)

Ma M(l;—l)e(A):>1—2(—1)+c=0c>c:—3

Vay (A):x—2y—3=0
Vi du 2: Cho tam gidc ABC c6 A(-2;0), B(0;3), C(3;1). Dudng thang di qua B va song song véi AC

cO phuong trinh:



A. 5x—-y+3=0 B. 5x+y-3=0
C. x+5y-15=0. D. x-5y+15=0
Loi giai
Chon D.
Goi (d) 1a dudng thang can tim. Do () song song v&i AC nén nhan AC(5;1) lam VTCP.
Suyra n(L;~5) 14 VTPT cua (d).
= (d) c6 phuong trinh: 1(x—0)-5(y-3)=0<x-5y+15=0
4. Viét phuwong trinh duwdng thang qua 1 diém va vudng géc véi duong thang cho truée

Vi du 1: Phuong trinh tham s6 ctia duong thang (d) di qua diém M (-2;3) va vudng goc voi duong
thing(d'):3x—4y+1=0 la:

x=3-2¢ x=-2+3¢ -
A. B. c. X2 _»y=3 D. 4x+3y—1=0.
y=—44+3t y=3-4¢ 3 —4
Loi giai
Chon B.

Taco (d)L(d"):3x—4y+1=0 = VTCPu, =(3;-4) vaqua M (-2;3)
x=-2+3t

S d):
uyra (d) {y:3—4t

Vi du 2: Cho tam gidc ABC c6 A(2;-1);B(4;5);C(-3;2). Phuong trinh tong quét cua dudng cao AH

(te]R)

cua tam giac ABC la:

A. 3x-T7y+11=0. B. 7x+3y-11=0
C.3x-7y-13=0. D. 7x+3y+13=0.
Loi giai
Chon B.

Goi AH la dudng cao cua tam giac.
AH di qua A(2;-1) vanhan BC =(~7;-3)=—(7;3) lam VTPT
= AH:7(x—2)+3(y+1)=0© Tx+3y—-11=0

5. Viét phwong trinh dwong thiang di qua 1 diém va biét h¢ sé goc.

Vi du 1: Viét phuong trinh téng quét ciia dudng thing A biétA di qua diém M (-1;2) va c6 hé sb goc
k=3.
A.3x—y-1=0 B.3x—y-5=0 C. x-3y+5=0. D.3x-y+5=0
Loi giai
Chon D.

Phuong trinh duong thing A 1a y=3(x+1)+2 < 3x—y+5=0.



Vi du 2: Viét phuong trinh duong thing A biétA di qua diém M (2;—5) va c6 hé s6 géc k=-2.
A y=-2x-1 B. y=-2x-9. C. y=2x-1. D. y=2x-9.
Loi giai
Chon A.
Phuong trinh dudng thing A 1a y = —2(x— 2) -5 y=-2x-1.
6. Viét phwong trinh duwdng thang qua 2 diém

Vi du 1: Phuong trinh dudng thang di qua hai diém 4(-2;4); B(-6;1) 1a:

A.3x+4y—-10=0. B.3x—-4y+22=0. C.3x—-4y+8=0. D. 3x—-4y-22=0.
Loi gidi
Chon B.
. X=X, Y-y, x+2 y—-4
Ta co (AB): = & = & 3x—4y+22=0

Xpg =Xy Vg~ Va4 —4 -
Vi du 2: Cho tam giac ABC c6 A(-1;-2);B(0;2);C(-2;1). Puong trung tuyén BM c6 phuong trinh

la:

A. 5x-3y+6=0 B. 3x-5y+10=0
C. x-3y+6=0. D.3x-y-2=0
Loi gidi
Chon A
. . 2 3 1 —_— 3 5 1
Goi M latrungdiém AC = M| -=;—=|; BM =| -=;—=|=——=(3;5)
2 2 2 2 2

BM qua B(0;2) va nhan n =(5;-3) 1am VIPT = BM :5x-3(y-2)=0<5x-3y+6=0
7. Viét phwong trinh dwdng trung truc cia 1 doan thiang

Bai toan: Viét phwong trinh duwdng trung tryc ciia doan 4B biét A(x;,),B(x,;0,).

Puong trung truc ciia doan AB di qua trung diém / (x‘ 42-x2 ;y ! -;y 2) cia AB vanhén
AB(x,-x;y,~ ) lam VTPT.

Vi du 1: Cho hai diém 4(-2;3);B(4;—1). Viét phuong trinh dudng trung truc ciia doan 4B .
A. x—y—-1=0. B. 2x-3y+1=0. C. 2x+3y-5=0. D. 3x-2y-1=0.
Loi giai
Chon D.
Goi M trung diém 4B = M (1;1)
Tacod AB=(6;—4)=2(3;-2)
Goi d 1 duong thang trung tryc ctia 4B thi d qua M (1;1) va nhan n= (3;—2) 1am VTPT.



Phuong trinh d : 3(x—1)—2(y—1):0<33x—2y—1:0
Vi du 2: Cho diém A(l;— l);B (3; - 5) . Viét phuong trinh tham s duong trung truc ctia doan thang AB .

x=2+2t x=2+2t x=2+t x=1+2¢
A. . B. . C. . D. .
y=-3+t y=1-3¢ y=-3-2¢ y=-2-3t
Loi giai
Chon A.

M (2;-3) la trung diém ctia AB.

AB=(2;-4)=2(1;-2)

Goi d 1a duong thang trung truc cia AB thi d qua M (2;—3) va nhan u =(2;1) lam VTCP
x=2+2¢

nén c6 phuong trinh: { .
y=-3+t

8. Viét phwong trinh dwdng phén giic trong, phin gidc ngoai clia tam giic
Cho 2 dudng thang cdt nhau: (d,): Ax+By+C, =03 (d,): 4,x+B,y+C, =0.

Phuong trinh cac duong phén giac ctia goc tao boi 2 duong thang do la:
Ax+By+C 4 Ax+B,y+C,

VA + B} VA +B)}

Chii y:

Cho (A): f(x,y)=Ax+By+C=0 va A(x,,y,), B(x,,»,).
* 4 va B nim vé cing mot phia dbi véi A < f(x, )./ (x,,2,)>0
* 4 va B nam khac phia dbi véi A @f(xl,yl).f(xz,y2)<0

Vi du 1: Cho tam giac ABC c6 phuong trinh cic canh AB:x+y—-1=0; AC:7x—y+2=0;
BC:10x+ y—19=0. Viét phuong trinh duong phan giac trong goc 4 cua tam gidc ABC.
A. 12x+4y-3=0. B.2x-6y+7=0. C.12x+6y—-7=0. D. 2x+6y—-7=0.
Loi giai
Chon B.

B:ABmBC:B(2;—1)
C=4ACNnBC= C(1;9)
PT cac duong phan giac goc A la:

x+y-1_ Tx—y+2 o 2x=6y+7=0 (d,)
V2412 _J72+(—1)2 12x+4y-3=0 (d,)

bat fl(x,y):Zx—6y+7;fz(x,y):12x+4y—3 ta co: fl(B).fl(C)<O; fz(B).fz(C)>O.



Suy ra B,C nam khac phia so véi d, va cung phia so vé1 d, .
Vay phuong trinh duong phan giac trong goc A la: 2x—-6y+7=0.

Vi du 2: Cho tam gidc ABC cé A(—2;—l);B(—l;3);C(6;l) .Viét phuong trinh duong phan giic ngoai
goc A cuatam giac ABC.
A, x—y+1=0 B. 5x+3y+9=0. C.3x+3y-5=0. D. x+y+3=0
Loi giai
Chon D.

(AB):_xlizzngJrllc>4x—y+7:0
(AC)'x+2 y+1

6+2 1+1

Sx-4y-2=0

Phuong trinh cac duong phan giac goc A la:

4x—y+7 _ x—4y-2 - x+y+3=0 (d,)
JE (1) Pe(-4) [xmyHl=0 (d)

bat f(x,y)=x+y+3; f,(x,y)=x—y+1taco: £,(B).f,(C)>0; f,(B).f,(C)<0.
Suy ra B,C nam cung phia so v&i d, va khac phia so voi d, .
Vay phuong trinh duong phéan giac ngoai goc 4 la: x+ y+3=0.
9. Viét phwong trinh dwong thiang di qua 1 diém va tao véi truc Ox mot géc cho truée.

Vi du 1: Viét phuong trinh duong thing (d) qua M (—1;2)va tao véi truc Ox mdt goc 60°.

A. \/gx—y+\/§+220 B. \/gx—y—\/g+220
C.\/gx—y+2:O D. \/§x+y—\/§+220
Loi giai

Chon A.

Do (d) tao véi truc Ox mot goc 60° nén c6 hé s6 gbe:k =tan60° =/3 .
Phuong trinh (d) 1a: y =3 (x+1)+2 < B3x—y+43+2=0.

Vi du 2: Viét phuong trinh duong thing (d) qua N(3;-2)va tao véi truc Ox mét goc 45°.

A. x—y-1=0 B. x-y+1=0
C.x—-y-5=0 D. x+y+2=0
Loi giai

Chon C.

Do (d) tao vé6i truc Ox mdt goc 45° nén c6 hé s6 goc: k =tan45" =1.
Phuong trinh (d) la: y=x-3-2<x—y-5=0

10. Viét phwong trinh dwong thing di qua diém va tao v6i dwong thing cho trude mot géc.



Giasir (d,) ¢6 VIPT 1a n,(4,B,); (d,) 6 VIPT n,(4,,B,) thi

— == A A, +BB,|
cos(d,,d,)=|cos(n,n,)|= — = =
JAZ+ B4 +B,
Chii y:
o, f 1A A o 1A \ . T k, —k,
Gia s (d,); (d,) co hé s6 goc lan lugt 14 k;;k, thi: tan(d,,d,) = R
+ 1°72

Vi du 1: Cho duong thang (d) c6 phuong trinh: x—2y+5=0. Cé miy phuong trinh duong thang qua
M (2;1) vatao véi (d) mot goc 45°.
Al B.2 C.3 D. Khong co.
Loi gigi
Chon B.

Goi A 1a duong thing cin tim; (4, B) 1a VTPT cia A (4°+ B #0)
Dé A lap véi (d) mot goc 45° thi:

A=-3B
B =34

cosast = 1A728 1 @2(A—23)2=5(A2+Bz)c{

JLB s 2
+Vo6i A=-3B,chon B=-1= 4 =3 tadugc phuong trinh A:3x—y-5=0.

+ V61 B=34, chon 4=1= B =3 tadugc phuong trinh A:x+3y-5=0

Vi du 2: Cho dudng thang (d) c6 phuong trinh: x+3y—3=0. Viét phuong trinh dudng thing qua
A(-2;0) vatao v6i (d) mot goc 45°.

A. A:2x+y+4=0 hodc A:x+2y+2=0 B. A:2x+y+4=0 hodc A:x+2y+2=0
C. A:2x+y+4=0 hodc A:x—-2y+2=0 D. A:2x—y+4=0 hodc A:x-2y+2=0.
Loi giai

Chon C.

Goi A la duong thang cin tim; (4, B) 1a VTPT ciia A (A4’ + B #0)

Dé A lap véi (d) mot goc 45° thi:

cosast A3 1 ©2(4+3B) =10(4 +B’) = A=25
JA£+8 10 2 B=-24

+Vo6i A=2B,chon B=1= 4 =2 ta dugc phuong trinh A:2x+y+4=0.
+ V61 B=-2A4,chon A=1= B=-2 tadugc phuong trinh A:x-2y+2=0
B. BAI TAP TU LUYEN

NHAN BIET

Caul. Duong thingdiqua 4(-1 2),nhan n=(2;—4) lam vecto phap tuyén c6 phuong trinh 1a:



A.x-2y-4=0. B.x+y+4=0.
C.—x+2y-4=0. D. x-2y+5=0.

Cau 2. Duongthing d di qua diém M (1;—2) va c6 vecto chi phuong u= (3;5) c6 phuong trinh tham

sb la:

x=3+¢ x=1+3¢
A. d: . B. d: )

y=5-2t y=-2+5t¢

_ =3+2t
C.g. X1 r+2 D.d:1" .

3 5 y=5+t

Ciu 3. Phuong trinh tong quat ciia dudng thiang di qua hai diém A(-2;4), B(1;0) 1a
A.4x+3y+4=0. B. 4x+3y—-4=0.

C.4x-3y+4=0. D.4x-3y—-4=0.
Cau4. Phuong trinh tham sb cia duong thang (d) di qua diém M (-2;3) va vuéng goc véi duong
thang(d'):3x—4y+1=0 la:

x=-2+3f x=-2+4¢ x=5+4t
C. D.

A.4x+3y-1=0. B. . .

y=3+3t

Cau 5. Viét phuong trinh tham sé cua duong thang di qua hai diém 4(2;-1) va B(2;5).
X = 2 X = 2t
A. . B. .
y=—1+6t y =—6t
x=2+t x=1
C. . D. .
y=5+6t y=2+6t

Cau 6. Phuong trinh tong quat ciia duong thing d di qua O va song song véi duong thing
A:6x—4x+1=0 la:

A. 3x-2y=0. B. 4x+6y =0.
C.3x+12y-1=0. D. 6x—-4y—-1=0.
THONG HIEU

Cau7. Viétphuong trinh dudng thing di qua 2 diém A(0;-5) va B(3;0).

A.£+l:1. B. —£+Z:1.
53 53

c. -2 D.2-2-9
35 35

Céu 8. Duong thang d di qua diém M (1;2) va song song v6i dudng thing A:2x+3y—12=0 co
phuong trinh tong quat 1a:

A. 2x+3y—-8=0. B. 2x+3y+8=0.



C.4x+6y+1=0. D. 4x-3y—-8=0.

Cau9. Cho hai diém 4(1;—4) va B(3;2). Viét phuong trinh tong quit clia dudong thing

trung truc cua doan 4B .
A x+3y+1=0. B.3x+y+1=0.

C.x-—y+4=0. D.x+y-1=0.

Cau 10. Duong trung tryc cua doan AB v&i A(4;—1) va B(1;—4) c6 phuong trinh la:

A. x+y=1. B. x+y=0.
C. y—x=0. D. x—y=1.
VAN DUNG
Cau 11. Viét phuong trinh dudng thang qua M (-2;-5) va song song véi duong phan giac
gbc phan tu thir nhat.
A. x+y-3=0. B. x-y-3=0.
C.x+y+3=0. D. 2x-y-1=0.

Cau 12. Cho duong thing d :3x+5y+2018 = 0. Tim ménh dé sai trong cic ménh dé sau:

A. d ¢6 vecto phap tuyén n=(3;5).

B. d co vecto chi phuong u =(5;-3).
A A 5
C. d c6 h¢ so goc k:?

D. d song song voi duong thang A:3x+5y=0.

Cau 13. Viét phuong trinh dudng thang qua A(-3;-2) va giao diém cua hai duong thang
d: 2x-y+5=0vad,: 3x+2y-3=0.
A.5x+2y+11=0 B.x-y-3=0

C.5x-2y+11=0 D.2x-5y+11=0

Ciu 14. Cho tam gidc ABC c6 A(L;1), B(0;-2), C(4;2). Lap phuong trinh dudng trung tuyén ciia tam
giac ABC ké tu A.
A. x+y-2=0. B. 2x+y-3=0.
C. x+2y-3=0. D. x—y=0.

Cau 15. Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC c6 A(2;-1), B(4;5) va C(-3;2). Lap
phuong trinh dudng cao ctuia tam giac 4ABC ké tur A.

A. 7Tx+3y-11=0. B. 3x+7y+13=0.

C.3x+7y+1=0. D. 7x+3y+13=0.



Cau 16.

Ciu 17. Phuong trinh nao sau day 1a phuong trinh téng quat ctia dudng thing d {

Lap phuong trinh dudng thang di qua diém M (5;—3) va cit hai truc toa d9 tai hai diém A va B

sao cho M 1a trung diém ctia AB.
A. 3x-5y-30=0. B. 3x+5y—-30=0.

C. 5x-3y-34=0. D. 5x-3y+34=0

x:3—5t?
y=1+4t"

A. 4x+5y+17=0. B. 4x-5y+17=0.

C.4x+5y—-17=0. D.4x-5y—-17=0.

Ciu 18. Phuong trinh nao sau day 14 phuong trinh tham s6 cta duong thang d :x— y+3=0?

x=t x=t
A. . B. .
{y:3+t {y=3—t
x=3 x=2+t
C. . D. .
y=t y=1+t
VAN DUNG CAO
Cau19. Cho A4BC c¢6 A(4;-2). Pudng cao BH :2x+y—-4=0 va dudng cao CK :x—y-3=0. Viét

Cau 20.

Cau 21.

Cau 22.

Cau 23.

phuong trinh dudong cao ké tir dinh A.
A. 4x+5y-6=0 B. 4x-5y-26=0

C. 4x+3y—-10=0 D. 4x-3y—-22=0

Cho tam giac ABC biét tryc tim H(1;1) va phuong trinh canh AB:5x—2y+6 =0, phuong
trinh canh 4C :4x+7y—21=0. Phuong trinh canh BC la
A. 4x-2y+1=0 B.x-2y+14=0 C.x+2y—-14=0 D. x-2y-14=0

Cho tam gidc ABC ¢6 A(1;-2), dudng cao CH:x—y+1=0, duong phan giac trong
BN :2x+y+5=0.Toa dd diém B la

A. (4:3) B. (4;-3) C. (—4;3) D. (—4;-3)

qua M lan luot cat hai tia Ox, Oy tai A va B sao cho tam gidc OAB c6 dién tich nho nhat.
A. x+4y-17=0 B. 4x—y=0

C.2x+y-6=0 D. 4x+y-8=0

C6 may dudng thang di qua diém M (2;-3) va cit hai truc toa d tai hai diém A va
B sao cho tam gidc OAB vudng can.

A. 2 B.3 C.1 D. Khong co.

C. PAP AN PHAN BAI TAP TU LUYEN



1.D 11.B |21.C
2.B 12.C |22.D
3.B 13.C [23.A
4.B 14. A
S.A 15. A
6. A 16. A
7.C 17.C
8. A 18. A
9. A 19. A
10.B |20.D

D. HUONG DAN GIAI CAC CAU KHO CUA PHAN TU LUYEN

Cau 16

Cau 19

Cau 20

Chon A.

Goi A€ Ox= A(x,;0);Be0y= B(0;y,)
L, X, +x,=2x x,=10

Tacod M latrung diém AB :{A g M:{A
Vat Vs =2yy Yy =—0

Suy ra (AB):%+1=1@3x—5y—30=0.

Chon A
Goi A7 1a duong cao ké tir dinh 4. Goi H, 1a tryc tdm cua A4BC, khi do toa do diém
= 7
2x+y-4=0 I R
H thoa man hé phuong trinh Ty & 3 AH, = —é;i
x—y-3=0 2 33
yz—g

Al qua H, G—%} vanhan 7 =(4;5) lam VTPT

:>AI:4(x—%j+5(y+§j:0<:>4x+5y—6=0

Chon D.

Tacéd A=ABNAC= A(0;3) = AH =(1;-2)

Taco BH L AC=(BH):Tx—4y+d =0

Ma H(1;1)e(BH)=>d =-3 suyra (BH):7x—4y-3=0

Co B:ABmBH:B(—S;—%]



Phuong trinh (BC) nhan 4H =(1;-2) 1a VTPT va qua B(—S;—%)

Suy ra (BC):(x+5)—2(y+%):0<:>x—2y—14:0

Cau 21

Chon C.

Taco ABLCH = (AB):x+y+c=0

Ma A(l;—2)e(AB):>1—2+c:0:>c:l

Suyra (4B):x+y+1=0

Co B=A4ABNBN =Toa do B la  nghiém h¢é¢  phuong  trinh

{x+y+l=0 :{x:—4:>B(_4;3).

2x+y+5=0 y=3
Cau 22
Chon D.
. 4f T ,
Gia su A(a;O), B(O;b) \% ——;—1 . Khi do6 duong thang di qua A, B c6 dang
160 1 x’ y2

t-=1=da>=8.Do Z—+2 =1 nén F(—/3;0
254 5 8 5 ) )

Mit khéc S,,, = %OA.OB = %ab .

Ap dung BDT Cési tacod a> =b>+c> =b>+3

SuyraM(1£) c(E)=> € 528—1nh0nhatkh1 4val+f:1dodoa:2;b:8
a’ 25b a b a b

Viy phuong trinh dudng thang can tim 1a §+§ =1 hay 4x+y—-8=0

Ciu 23

Chon A.
Phuong trinh doan chén (4B): X %zl
a

b=a

Do AOAB vudng can tai O c>|a|=|b|<:{b
=—a

THI: b=a = +Z =1 x+y=a ma M(2-3)e(4B)=>2-3=a=a=-1=b=-1
a a

Viay (AB):x+y+1=0.

TH2: b=-a :>£—121<:>x—y=a ma M(2;—3)e(AB):2+3=a<:>a=5:>b=—5
a a

Viy (4B):x—y-5=0.
3. Xét vi tri twong d6i ciia hai dwong thing
Phuwong phap:



Dung Casio bam giai hé phuong trinh tir hai phuong trinh ciia hai dudng thang:

e Hé vo nghiém: hai duong thang song song
e Hé c6 nghiém duy nhat: hai duong cit nhau
Néu tich vo hudng cua hai VTPT bang 0 thi vudng goc

e Hé c6 vo s6 nghiém: hai dudng tring nhau
Cach khac: Xét cip VTPT cua hai dudng thang

e Khong cing phuong: hai dudng thiang cit nhau
Néu tich v6 hudng cua hai VTPT bang 0 thi vudng goc

e Cung phuong: hai duong thing song song hoic tring

A. Vi DU MINH HQA
Vi du 1: Xac dinh vi tri twong d6i ctia 2 duong thang sau day:

Aix—=2y+1=0 Vd A,: -3x+6y—1=0 .

A. Song song. B. Trung nhau.  C. Vudng goc nhau. D. Cit nhau.

Huéng din giai

Chon A.

Céch 1: Giai hé phuong trinh thdy vo nghiém nén hai duong thang song song

Céch 2: Puong thang A, cé vipt n =(1;-2)va A,co vitpt n, = (=3;6).

Hai duong thiang A,, A,co n, =—-3n va 1#—1nén hai dudng thang nay song song
Vi du 2: Puong thang A:3x-2y-7=0 cit duong thang nao sau day?

A di13x+2y=0.

B. d,:3x-2y=0.

C.d,:-3x+2y-7=0. p. di:6x—4y-14=0.

Huoéng din giai
Chon A.
A:3x-2y-7=0 va d :3x+2y=0 co %i_?z:A cét d,.

Vi du 3: Hai duong thing d,:4x+3y—18=0; d, :3x+5y—19=0 cét nhau tai diém c6 toa do:
A. (3;2). B. (-3;2). C. (3;-2). D. (-3;-2).
Huéng din giai

Chon A.



4x+3y—-18=0
3x+5y—-19=0

x=3

Giai hé phuong trinh { .
y=2

ta duoc {
Vi du 4: Phuong trinh nao sau dy biéu dién duong thang khong song song vdi duong
thang d: y=2x-1?

A. 2x—y+5=0. B. 2x-y-5=0. C. 2x+y=0. D. 2x+y-5=0.

Huoéng dén gidi

Chon D.

(d):y=2x-1¢2x-y-1=0 va dudng thing 2x+ y—5=0 khong song song vi %;&_Tl
Vi du 5: Hai duong thang d, :mx+y=m+1; d, : x+my =2 song song khi va chi khi:

A. m=2. B. m=+l. C. m=-1. D. m=1.

Huéng din giai

Chon C.
D]//D2<:>ﬂ=i m+l
m 2
. . 1 2
Khi m=1 ta co: —=T=5:>D1_D2
: .-1 1 0
Khi m=-1 ta cé: —:—¢5:>D1//D2.

Vi du 6: Cho 3 dudng thang d,:2x+y—-1=0, d,:x+2y+1=0, d,:mx—y—7=0. Dé ba dudng
thang nay ddng qui thi gia trj thich hop cua m la:
A.m=-6 B.m=6 C.m=-5 D.m=5
Hudéng din giai:

Chon B.

. .2 ) . . C A ) ~ [2x+y-1=0 x=1
Giao diém cua d, va d, 1a nghiém ctua hé { =y <:>{

x+2y+1=0 y=-1

Vay d, cét d, tai 4(1;-1)

Dé 3 dudng thang d,,d,,d, dong quy thi d, phai di qua diém 4 = 4 thoéa phuong
trinh d,
>m+1-7=0=>m=6.

Vi du 7: Cho 4 diém 4(0 ;-2), B(-1; 0), C(0 ;—4), D(-2 ; 0) . Tim toa d¢ giao diém cta 2
duong thang 4B va CD



A.(1;-4) . B. (—é,lj

C.(-2;2). D. Khong c6 giao diém.
Huéng din gidi
Chon D.
AB ¢6 vecto chi phuong 1a 4B =(~1;2) va CDc6 vecto chi phuong 1a CD =(-2;4).
Ta co: 4B=(-1;2)va CD =(-2;4) cing phuong nén 4B va CD khong co giao

diém.

Vi du 8: Xac dinh vi tri tuong d6i ctia 2 duong thang: A, : {

x=3+\/§t LA {x:2+x/§t'

va A, :

yzl—\/gt ’ yzl—x/zt'
A. Song song nhau. B. Cit nhau nhung khong vudng goc.
C. Vuodng gbc nhau. D. Trung nhau.

Huéng din giai
Chon B.
A, :¢0 vicp 171:(\/5;—\/3) ; A, cOvtep ..
Taco: u, , u, khong cing phuong va u,.u, = 2.6 nén A,,A, Cét nhau nhung khong
vuong goc
B. BAI TAP TU LUYEN
NHAN BIET.

Caul. Tim toa d6 giao diém cua duong thing A:4x-3y-26=0 va dudng thang
d:3x+4y-7=0.

A. (5;2). B. Khéng c6 giao diém.
C. (2,-6). D. (5;-2).

Cau 2. Xéc dinh vi tri twong ddi cta 2 duong thang

A {x:1+(1—\/§t) va A, {x:\/f+(\/§—2)t'

y=2+/2t y=1+2¢"
A. Vuong goc. B. Song song. C. Cit nhau D. Trung nhau.

Cau 3. Tim toa do giao diém ciia duong thang A:5x+2y—-10=0 va truc hoanh Ox.
A. (0;2). B. (0;5). C. (2;0). D. (-2;0).



Céu 4. Tim toa do giao diém cua dudng thang A:5x-2y+12=0 va dudng thang

D:y+1=0.
A. (1;-2). B. (-1;3). C. (% —1) D. ( 1; %}

Ciu 5. Hai duong thang A, : \/_ \/_+\/— 0 Va A, :/2x— 2(\/§+1)y=0 c6 Vi tri tuong
doi 1a:
A. cat nhau nhung khong vudng goc. B. song song véi nhau.
C. vuong goc nhau. D. trung nhau.

Céu 6. Xac dinh vi tri trong d6i cua hai duong thang:

A x=2+5¢ VA A x=7+5¢
Yy =3-6t 2ly=-3+61"

A. Trung nhau. B. Vuong goc nhau.
C. Cit nhau nhung khéng vuéng géc.  D. Song song nhau.
Céu 7. Xac dinh vi tri tvong d6i cua 2 dudng thang:
{ f+(\@+f) ‘ {x= 341
A va A,

A,
y=—2+(3-2)t y==3+(5-2V6 )
A. Trung nhau. B. Cit nhau. C. Song song. D. Vudng goc.
Ciu 8. Xac dinh vj tri tuong d6i cta hai dudng thang: A, : x=3+2 va A, : #=2+3
yzl—x/gt y:1+x/§t'
A. Song song nhau. B. Cit nhau nhung khong vuéng goc.
C. Trung nhau. D. Vudng goc nhau.
L . : =-3+4 —1+4¢
Cau 9. Tim toa do giao diém cua hai duong thang (AI):{X M (Az):{x " Z,.
y=2+5t y="7-5t
A. A(51). B. 4(17). C. 4(-32). D. 4(1;-3).

Cau 10. Tim toa do giao diém ciia duong thang A:15x-2y-10=0 va truc tung Oy .

A. (-5:0). B. (0:5). C. (0:-5). D. @5)

Céu 11. Tim toa do giao diém cua hai dudng thang sau day:

x=22+2t . x=12+4f
1 y=55+5t T y=—15-5¢

A. (6;5). B. (0;0). C. (-5:4). D. (2;5).



Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Tim toa do giao diém cta dudng thing A:7x-3y+16=0 va dudng thang
d:x+10=0.

A. (10;-18). B. (10;18). C. (-10;18). D. (-10;-18).
x=3+%t x=2+9t'
Xéc dinh vi tri tuong doi cua hai duong thang (A)): A va (4,): ?
=—1+—t =—+8¢
Y= Y73
A. Song song nhau. B. Cit nhau. C. Vuong gbéc nhau.D. Trung nhau.
) .2 , ) ) 2 =1+2t =1+4¢
Tim toa do giao diém cua hai duong thang (A, ): ¥ va (4,): g -
y=T+5t y=—6-3t
A. (1,7). B. (1;-3). C. (31). D. (-3;-3).
Tim toa d6 giao diém cua 2 duong thang 5x—2y-29=0 va 3x+4y-7=0.
A. (5-2). B. (2;-6). C. (52). D. (-52).
Tim toa do giao diém cua dudng thang 15x—-2y—-10=0 va truc tung?
A. @oj B. (0:-5). C. (0:5). D. (-5:0).
Tim toa do giao diém cua dudng thang 5x+2y—10=0 va truc hoanh.
A. (2;0). B. (0;5). C. (-2:0). D. (0;2).
Tim toa d6 giao diém cua duong thang 15x—2y—10=0 va truc hoanh.
A. (0;-5). B. Goj C. (0;5). D. (-5:0).
Tim toa do giao diém cua 2 dudng thang 7x—-3y+16=0 va x+10=0.
A. (-10;-18). B. (10;18). C. (-10;18). D. (10;-18).
. . .2 , . 5 x=1+2¢ x=1+4¢
Tim toa d¢ giao di€ém cua hai duong thang d, : , d,: .
y=T+5t y=—6-3t
A.(-3;-3). B.(1;7). C.(1;-3). D.(3;1).
. A e, o P x=-3+4¢ x=1+4¢
Tim toa d¢ giao di€ém cua hai duong thang d, : , d,: ,
y=2+5¢ y=T-5t

A.(1;7). B.(-3;2). C.(2;-3). D.(51).

x==3+4r | .{le—zf
)

Xéc dinh vi tri twong ddi cta 2 dudng thang: A, :
y=2-6t y=4+3t

A. Song song. B. Trung nhau.
C. Vuong goc. D. Cit nhau nhung khong vudng goc.



THONG HIEU.

, , =1-2t ,
Cau 23. Giao diém M cua duong thang d : {x 345 (teR) va duong thang d':3x-2y-1=0
y==
la:
A. M(2;—Ej. B. M(O;lj. C. M(O;—lj. D. M[—l;Oj.
2 2 2 2

Cau 24. Cho 4 diém A(-3;1), B(-9;-3), C(-6;0), D(-2;4). Tim toa do giao diém cua 2
duong thang 4B va CD.
A. (-6;-1). B. (-9:3). C. (-9;-3). D. (0;4).

-Xéc dinh vi tri tuong dbi ctia 2 dudng thang sau day: A, . g-% =1va -

A. Cit nhau. B. Vuong goc. C. Trung nhau. D. Song song.
Cau 26. Xéc dinh vi tri twong dbi cta 2 duong thang: A : 7x+2y—-1=0 Va A, {j:?j;

A. Song song nhau. B. Trung nhau.

C. Vuong goéc nhau. D. Cit nhau nhung khong vudng goc.

Cau 27. Cho hai duong thing A, : ?‘f =1va A,: 3x+4y-10=0. Khi d6 hai duong thing

nay:
A. Cit nhau nhung khong vudng géc.  B. Vudng goc nhau.

C. Song song v&i nhau. D. Trung nhau.

Céu 28. Tim toa do giao diém cta 2 dudng thang sau day:

va A,:2x+3y-19=0.
y=55+5¢

. {x:22+2t
A. (2;5). B. (10;25). C. (53). D. (-1,7).

Céu 29. Cho 4 diém A(1;2), B(-1;4), C(2;2), D(-3;2). Tim toa do giao diém cua 2 dudng
thang 4B va CD
A. (1;2). B. (5;-5). C. (3;-2). D. (0;-1).

Céu 30. Xac dinh vi tri tvong d6i cua hai duong thing sau day:

Al B+Dx+y-1=0 va Ay, 2x+(3-1)y+1-/3=0.

A. Song song. B. Trung nhau. C. Vudng goc nhau.D. Cit nhau.



Cau 31. Cho hai duong thang A, :11x—12y+1=0 va A,:12x+11y+9=0. Khi d6 hai duong

thang nay:
A. Vuong goc nhau. B. Cit nhau nhung khong vudng goc.
C. Trung nhau. D. Song song v&i nhau.

x=4+2t

Cau 32. Xéc dinh vi tri twong dbi cta 2 duong thang: A, :5x+2y—14=0 va A, ;{ S
y: J—

A. Cit nhau nhung khong vudng géc.  B. Vudng goc nhau.

C. Trung nhau. D. Song song nhau.
A NPT L As o \ 2 x=4+2t |
Cau 33. Xac dinh vi tri tuong doi cia 2 duong thang: A, :{ 3 V2 A, x+2y—-14=0
y=1=
A. Trung nhau. B. Cit nhau nhung khong vudng goc.
C. Song song nhau. D. Vudng goc nhau.
C o4y 2 =1-t¢ \ n A 2
Cau 34. Cho hai duong thang d, :{x 5.3 d,: x-2y+1=0 . Tim ménh dé dling:
y =
A.d/d, . B. 4,// Ox. C.d, mOyzA(O;%j D. d nd, :B(é%)'
~ . ‘R ) C 4 2 \ x=1-2t
Cau 35. Giao diém cua hai duong thang d,:2x - y+8=0 va d, :{ i la:
y=a-
A. M(3; -2). B. M(-3;2). C. M(3;2). D. M(-3; -2).
A I3 . I3 e 0 . N 2 X = _4 _t
Cau 36. Xét vi tri twrong doi cua hai duong thang sau: d, :{ 1_2 d,:x+2y—-4=0
y=1-=
A. d, tring d, . B. d, cit d,. C. d//d,. D. d, chéo d,.
A \ A . <2 ” . N 2 x=22+2t
Cau 37. Tim toa d6 giao diém cua hai duong thangd, : ,d,:2x+3y—-19=0
y=55+5¢
A.(2;5). B.(10;25). C.(-L7). D.(2;5).

Céu 38. Xét vi tri trong dbi cua hai dudng thing sau: d:x-2y+1=0vad,:-3x+6y-10=0
A. Trung nhau. B. Song song.

C. Cit nhau nhung khong vudng goc nhau. D. Vudng goc véi nhau.
Cau 39. Xét vi tri twong d6i clia hai dudng thang sau: d, :%—% =lvad,:6x-2y-8=0
A. song song. B. Trung nhau.

C. Cit nhau nhung khéng vudng goc nhau. D. Vuong goéc véi nhau.



Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Xét vi tri twong d6i ciia hai dudng thang sau: d, :g-% =lvad,:6x—4y-8=0
A. song song. B. Trung nhau.

C. Cit nhau nhung khéng vudng goc nhau. D. Vuong goéc voi nhau.
Xét vi tri twong d6i ciia hai dudng thang sau: d, :%—% =lvad,:3x+4y-10=0
A. Vuong goc véi nhau. B. Trung nhau.

C. Cit nhau nhung khong vudng goc nhau. D. Song song.

r c e o . N 2 x=—1+t x=2-2¢
Xét vi tri twrong doi cua hai duong thang sau: d, : 7
y=-2-2t y=-8+4t¢
A. d citd,. B. d /id,. C. d, trung d,. D. d, chéo d,.
e L C e 2 x=-3+4 x=1-2t
Xét vi tri twong doi cua hai duong thang sau: d, : ; dy
y=2-6t y=4+3t
A. d, cit d,. B. d.//d,. C. 4, tring d, . D. d, chéo d,.
r s Lo . N 2 x=4+2t
Xét vi tri twrong doi cua hai duong thang sau: d, : 13 d,:3x+2y-14=0
y=1=
A. d, tring d,. B. 4, cit d,. C. d,//d,. D. d, chéo d,.
Lt <ottt Z: Cox z x=4+2t
Xét vi tri twrong doi cua hai duong thang sau: d, : s, ;d, 5x+2y—14=0
y=1=
A. d/id,. B. d cit d,. C. d, trung d,. D. d, chéo d,.

x=4+t
y=1-5¢
A. d, chéo d,. B. d.//d,. C. 4, tring d, . D. d, cit d,.

Xét vi tri trong d6i cua hai duong thang sau: d, : { ;d, Tx+2y—-1=0

xX=-t

Cho hai diém A(-2;0), B(1;4) va duong thang d:{

thang d va AB.

A. (2;0). B. (-2;0). C. (0;2). D. (0;-2).
Tim toa do giao diém ctia hai duong thing sau (d,): x—22 = y;—3 va (dy):x—y+1=0
A. (-2-1). B. (-21). C. (23). D. (21).
Cho 2 dudng thingd, -1~ >+, a,:0"">~" _ Caunao sau day ding ?
0 2 duong thingd, : PR M 4u nao sau day ding °

A.d /l d, B.d,va d,cit nhau tai M (1;-3)

. Tim giao di€ém cua duong



Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

C.d, trung d, D.d, va d,cat nhau tai M (3;-1)

, x=1-t¢ 5
Cho hai duong thang d, : , d,:x—2y+1=0. Tim m¢nh dé dang:
y=5+3t
A.d /4, B.d,//Ox C.d200y=A(O;%j D.dlmdzzB(%;gj
. .2 , -2 2 \ x=1-2t
Giao diém cua hai duong thang d,:2x—y+8=0 va d,: 4 la:
y=a-
A.M (3;-2) B. M (-3;2) C. M(32) D. M(-3;-2)
s 2 x=-2+5t \ z . 4R .
Hai duong thang d,:y" (teR) va d,:4x+3y—18=0 cat nhau tai diém c6 toa
do:
A. (2;3). B. (3;2). C. (1,2). D. (2;1).
Trong mit phing Oxy, cip duong thang nao sau diy song song v4i nhau?
=1+t =2+t - -
A. d: * vad,: ¥ . B.d:> 1O=y_+5véd2:x_1=y_+l.
y=2t y=3-4t -1 2 -1 1
C.d:y=x+1vad,:x—y+10=0. D. d :2x-5y-7=0va d,:x—y-2=0.
Cho 4 diém 4(4-3), B(5;1), C(2:3), D(-2;2). Xac dinh vi tri twong ddi ctia hai
duong thang 4B va CD.
A. Trung nhau. B. Cit nhau. C. Song song. D. Vudng goc nhau.
Cho 4 diém 4(0;1), B(2;1), C(0;1), D(3:1). Xac dinh vi tri twong ddi ctia hai duong
thang 4B va CD.
A. Song song. B. Trung nhau. C. Cit nhau. D. Vudng goc nhau.
Véi gia tri ndo cua m hai dudng thing sau ddy trung nhau?

A xX=m+2t 5 A x=1+mt
: va :
: y=1+(m2+1)t 2 ly=m+t

A. Khong c6 m. B. m=2 C. m=1. D. m=-3.

g .
Cho 4 diém 4(1;2),B(4;0),C(1;-3),D(7;-7). Xac dinh vi tri trong ddi cua hai
duong thiang 4B va CD.

A. Trung nhau. B. Song song.

C. Cit nhau nhung khong vudng goc.  D. Vudng goc nhau.

x=2-3t

Pinh m dé 2 dudng thang sau ddy vudng goc: A, : 2x—3y+4=0 va A, { | dmt
y=1-4m



Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

A. m=——. B.m:ig. C.m:l. D.m:—g.
2 8 2 8

x=4+t

Va A,: 2x—10y+15=0
y=1-5¢

Xéc dinh vi tri tuong ddi cia 2 duong thang: A, : {
A. Vuong goc nhau. B. Song song nhau.

C. Cit nhau nhung khong vudéng géc.  D. Trung nhau.
A(0;2),B(-1;1),C(3;5),D(-3;—1). Xéc dinh vi tri tuong ddi cta hai duong théng

AB va CD.
A. Song song. B. Vudng goc nhau. C. Cit nhau. D. Trung nhau.

Cho 4 diém A(0 ;-2), B(~1; 0), C(0 ;—4), D(-2 ; 0) . Tim toa d6 giao diém cua 2
duong thang 4B va CD

31

A.(1;-4) . B.|—=;—|

s (2
C.(-2:;2). D. Khong c6 giao diém.
VAN DUNG.
Tim tat ca gia tri m dé hai duong thang sau day song song.

{x =8—-(m+1)y
A va A, mx+2y-14=0.
y=10+¢

A. Khong m nao. B. m=-2.
C. m=1 hoac m=-2. D. m=1.

Véi gia tri nao cua m hai duong thang sau day vuéng goc nhau ?
A mx+y—-19=0 va A,:(m—Dx+(m+1)y—-20=0
A. Moi m. B. m=2. C.Khongco m. D. m=+l.

Vi gia tri ndo cta m thi hai dudong thang sau day vudng goc ?

:1 2 1 N =2_3t,
Al_{x +(m” +1)t v A _{x

ly=2-mt 2ly=1-4mt

A. m=+3. B. m=—/3. C. m=43. D. Khong c6 m.

Vi gia tri ndo cta m thi 3 duong thang sau dong qui ?
d:3x-4y+15=0,d,: 5x+2y—-1=0, d;: mx—-4y+15=0 .

A.m = -5. B.m = 5. C.m = 3. D.m = -3.

Cho 3 duong thang d,:2x+y-1=0 ,d,:x+2y+1=0,d, :mx—y-7=0. Dé 3 dudng
thang nay dong qui thi gia tri thich hop ciia m 1a:



Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

A.m = —6. B. m = 6. C.m = -5. D.m=5.

, x=2+t x=5-t
Cho 2 dudng thang d, : , d,: ' . Cau nao sau day dang ?
y=-3+2t y=-T+3t,
A. d /] d,. B. d, va d, catnhau tai M(1; -3).
C.d=d,. D. d, va d, citnhau tai M (3; -1).

C e 2 . |x==1+at " , s e
Hai duong thang 2x—4y+1=0 va vudng goc voi nhau thi gia tri cua
y=3—-(a+1)t

a la:
A.a=-2. B.a=2. C.a=-1. D.a=1.
Véi gia tri nao cta m thi hai dudng thang A, :2x-3my+10=0 va A, :mx+4y+1=0
cit nhau?
A. 1<m<10. B. m=1. C.Khongco m. D.Moi m.
s e e, e . . . . 2 . x=2+2t
Vi gia tri ndo cua m thi hai duong thang (A,):2x-3y+m=0 va (A,): i
y= m
trung nhau?
A.Khongcd m.  B.m=-3. C. ng. D. m=I
Véi gia tri nao cia m hai duong thang sau ddy song song ?
Al 2x+(m’ +1)y—50=0va A,: mx+y—100=0.
Am=-1. B. Khong com. C. m=1. D. m=0.
Véi gia tri ndo cua m hai duong thang sau day song song ?
x=8+(m+1)t .
A va A, mx+6y-76=0.
y=10~-¢
A.m=-3. B.m=2.
C. m=2 hodc m=-3. D. Khong c6m théa man.

Trong mat phang toa d0 Oxy, cho dudng thang A c6 phuong trinh §+£: 1. Goi

A, B 1a céc giao diém cua duong théng A vo1 cac truc toa do. PJ dai cua doan
thang 4B bang:

A. 7. B. /5. C. 12. D. 5.

Vi gia tri ndo cia m hai dudng thang sau ddy song song ?
A 2x+(m’ +1)y-3=0 va A,: x+my—100=0.

A.m=2. B. m=1hoac m=2.



Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

C. m=1hoac m=0. D. m=1.

Dinh m dé A, :3mx+2y+6=0 va A, :(m’ +2)x+2my—6=0 song song nhau:

A m=-1. B. m=1. C. m=+1 D. Khong ¢6 m .
Hai duong thing d:mx+y=m+1;d,: x+my=2 cit nhau khi va chi khi:

A, m#2. B. m=#+1. C. m=1. D. m=-1.

Cho tam giac ABC voi 4(3;2),B(-6;3),C(0;-1). Hoi duong thing d:2x—y-3=0 cit

canh nao cua tam giac?
A. canh ACva BC. B. canh 4Bva AC.

C. canh 4Bva BC. D. Khong cit canh nao ca.

V6i gia tri nao ctia m thi ba dudng thang sau déng quy ?
d :3x-4y+15=0, d,:5x+2y-1=0, d,:mx—-4y+15=0.

A.m=-5 B.m=5 C.m=3 D.m=-3

Cho 3 duong thing d:2x+y-1=0, d,:x+2y+1=0, d,:mx—y—7=0. DPé ba dudng
thang nay dong qui thi gia tri thich hop cta m 1a:

A.m=-6 B.m=6 C.m=-5 D.m=5
, . 2 . . 2 . x==1+t . A
Xac dinh a dé hai duong thang d, :ax+3y-4=0 va d,: 343 cat nhau tai mdt
y:
diém ndm trén truc hoanh.
A.a=1. B.a=-1. C.a=2. D.a=-2.

V6i gia tri ndo cua m thi hai duong thang sau song song nhau: d, :2x+(m2+l) y=50=0
va d,:x+my—100=0
A. m=1. B. m=-1. C.m=2. D. m=1vam=-1.

Vi gia tri ndo ctia m thi hai duong thang sau song song nhau: 2x+(m2 +1) y=3=0va
mx+y—-100=0
A. med. B. m=2. C. m=1. D. m=1vam=-1..

V6i gia tri ndo cia m thi hai duong thang sau song song nhau: d, :3mx+2y—6=0 va
dzz(m2+2)x+2my—3:0
A.m=1vam=-1. B.med. C.m=2. D. m=-1.

x=8—(m+1)t

Vi gia tri ndo ciia m thi hai duong thiang sau song song nhau: d, :{ 1041
y=10+

d,:mx+2y—-14=0
A.m=1vam=-2. B.m=1. C. m=-2. D. med.



Cau 85.

Cau 86.

Cau §7.

Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

, x=2+2t
V6i gia tri ndo cia m thi hai duong thang d, :{ Lt mt va d,:4x-3y+m=0 trung
y=1+m
nhau ?
A. m=-3. B. m=1. C.m:i. D. med.

3

V&i gia tri nao cua m thi hai duong thang d :2m—-Dx+my—-10=0 va

d,:3x+2y+6=0 vudng goc nhau ?

A.m:i. B.m:—g. C.ng. D. med.
2 8 8
e .y, c ” N . N 2 . x=2-3t n
Vi gia tri nao cua m thi hai duong thang d, :2x-3y-10=0 va d,: | dmr vuong
y=1-4m
gbc nhau ?
A.m:l. B.ng. C.m:—g. D. med.
2 8 8

Vi gia tri nao ctia m thi hai dudng thing d :x-3my+10=0 va d, :mx+4y+1=0 cit
nhau?

A. meR. B. m=1. C.m=2. D. med.

V6i gia tri ndo cia m thi hai dudng thing phan biét d 3mx+2y+6=0 va
d, :(m2+2)x+2my+6:0 cat nhau ?

A. m#-1. B. m#1. C. meR. D. m#1 va m=-1.

V6i gia tri niao cia m thi hai duong thiang d,:3x+4y+10=0 va

d,:(2m—-1)x+m’y+10=0 tring nhau ?

A. med. B. m=+1. C.m=2. D. meR.
pe s e N . \ . \ 2 \ x=1+2t \
Vi gia tri nao cua m thi hai dudng thang d,:4x-3y+3m=0 va d,: Aomt trung
y=arm
nhau ?
A.m:—§. B.m:§. C.m:—i. D.m:i.
3 3 3 3

Néu ba duong théngdlz 2x+y-4=0;d,:5x-2y+3=0;d,:mx+3y-2=0 dong qui thi

m cé gia tri la:

A2 B. -2 C.12. D. -12.
5 5
C ey 2 . Jx=—l+at o e v g
Hai duong thang 2x—-4y+1=0 va vuong goc voi nhau thi gia tri cia a
y=3—-(a+1)t
la:

A.a=-2 B.a=2 C.a=-1 D.a=1



Ciau 94. Xac dinh a dé hai duong thang d,:ax+3y—-4=0 va d, :{

X=—1+t z . ~
cat nhau tai mot
y=3+3¢

diém nam trén truc hoanh.
A.a=1 B. a=-1 C.a=2 D.a=-2

Céu 95. Dinh m sao cho hai duong thang (A):2m—=1x+my—10=0 va (A,):3x+2y+6=0

vudng goc voi nhau.

A. m=0. B. Khong m nao. C. m=2. D.m:%.

Céu 96. Duong thang (A):5x+3y =15 tao vdi cac truc toa do mot tam gidc co dién tich

bang bao nhiéu?

A. 3. B. 15. C.I?S. D.s.

C. PAP AN PHAN TU LUYEN

1.D |11.B |21.A |31.A [41.A |51.B [61.D |71.C [81.A |91.B
2.B |12.D |22. A |32.D |42.C |52.B [62.C |72. A |82.C |92.D
3.C |13.D |23.C |33.A |43.B |[53.C [63.C [73.D |83.A [93.D
4.C |14.D [24.C |34.C |44.A |54.B [64.A |74.D [84.A (94.D
5C |15.A |25.A |35.B |[45.A |55.B |65.C |75.B |85.D |95.D
6.C |[16.B [26.D [36.B [46.D [56.C [66.B |76.B |86.C |96.C
7.A |17.A |27.B |37.A |47.B |57.B [67.D |77.B |87.C
8. D |18.B |28. A [38.B [48.D [58.D |[68.D |78.C |88. A
9.B [19.A [29.A [39.C [49.D |[59.A [69.D [79.B (89.D
10.C {20.A [30.B [40.A |50.C [60.D |70.A [80.D |90.C

4. Khoang cach tir mét diém dén mot dwong thang

Phwong phap: Sir dung cong thirc tinh khoang cach tir mét diém dén mot
duong thing

A. VI DU MINH HQA

Vi du 1: Khoang cach tir diém M (1;-1) dén duong thang A:3x—4y-17= 0 la:

2 18 10
A = B. 2 C. — D. —.
5 5 J5
Huéng din giai

Chon B.

=|3.1—4.(—1)—17|=2 .

NEEE S

+d(M,A)



Vi du 2: Khoang cach tir diém O dén duong thang 4 :%+§ =1 la:

A. 438 B. L. c. L. D. 6.
10 14
Huéng din giai
Chon A.

48
d:8x+6y-48=0=d(0.d)= =48 .

.2 4 U = 1 3
Vi du 3: Khodng cach tir diém M (2;0) dén duong thing {x 2:42 la:
y =
2 10 V5
A. 2. B.Z. C.—. D.—.
5 J5 2

Huoéng din giai
Chon A.
Puong thang d c6 phuong trinh tong quat

[42-3.0+2]
d:4x-3y+2=0=>d(M,d)="—"—=2 .

Vi du 4: Khoang cach giita hai duong thang song song A:6x—8y—101=0 Vi d:3x—4y=0
la:
A. 10.1. B. 1,01. C. 101. D. Ji01.
Huéng din giai
Chon A.

Lay diém 0(0;0)ed :3x—-4y=0

—-101
d(d:8)=d(0:0) -1 -0
6> +(-8)" 10
y 2 x:1+t ) . A N A
Vi du 5: Khodng cach tir 4(3;1)dén duong thang d :{ 3o gan v&i so nao sau day ?
y=95-
A. 0,85. B. 0,9. C. 0,95. D. 1.

Huoéng din giai
Chon B.



y {x=1+t i 2x v 50 d(Ad) 23+1.1-5 2
: 2x+y—>5= d)=—F—=—F
y=3-2 g NPEFSTIENG]

Vi du 6: Tim diém M trén truc Ox sao cho n6 cach déu hai duong thang: d,:3x+2y—-6=0
vad, :3x+2y+6=0 ?

~ 0,894

A.(1;0). B.(0;0). C.(0:42). D.(v2;0).
Huoéng dén giai
Chon B.

Goi M (a;0)=[3a—6|=[3a+6| < 2=0= M (0;0)

Vi du 7: Cho hai diém 4(2;-1) va B(0;100) ,C(2;—4) - dién tich tam giac 4BC ?

3 3
A. 3. B.>2. C.——. D.147.
2 V2

Huéng din giai
Chon A.

Phuong trinh 4C:x-2=0,4C=3,d(B,AC)=2= S8, 4 :%AC.d(B,AC):3 :

Vi du 8: Cho hai diém A(1;2) va B(4;6). Tim toa do diém M trén truc Oy sao cho dién
tich tam gidc M4B bang 1 ?

A. (o;% va (0%} B. (10). C.(4,0). D. (0:2).

Huéng din giai
Chon A.

AB=5,Goi M (0;m)

Vi dién tich tam gidc MAB bang 1= d(M,AB)= %

—_
W

dm-11] 2 |™7
—_— ==
5

AB:3x+4y-11=0=



Vi du 9: Tim toa d6 diém M trén truc Ox va cach déu hai duong thiang: d,:3x-2y—6= 0
vad,:3x-2y+3=0

A.(l;oj B.(0:42) C. (v2:0). D. (1,0).

2
Huéng din giai
Chon A.

Go1 M(m;0) . Theo bai ra ta co

d(M,dl)Zd(M,dz)c>|3m—6|=|3m+3|<:>m:%3M(%;oj .

Vi du 10: Phuong trinh cta duong thang qua P(2;5) va cach Q(5;1) mot khoang bang 3

la:
A. Tx+24y-134=0 . B. x=2
C. x=2,7x+24y-134=0 . D. 3x+4y-5=0
Huoéng din giai
Chon C.
Aqua P(2;5):>A:a(x—2)+b(y—5)=0<:)ax+by-2a—5b:0
Sa+b-2a-5b
d(Q,A)=3<:>| ¢ : |=3<:>|3a—4b|=3\/a2+b2
a’+b’
b=0
o 24ab+7h =0 = 24
b=—a
7
Véi b=0,chon a=1=>A:x=2
Vi b:%a,chon a=T7=b=24——>A:7x+24y-134=0
B. BAI TAP TU LUYEN
NHAN BIET
Cau 1. Khoang cach tir diém A(1;3) dén duong thang 3x+y+4=0 1a:
A 10 B. | c.2 D. 210

2

Ciu 2. Khoang cach tir diém B(5;-1) dén duong thang d:3x+2y+13=01a:

28 V13
A. 2413, B. —. C. 2. D. —.
V13 2

Ciu 3. Khoang cach tir diém M (0;1) dén duong thang d:5x-12y-1=0 la:



AL B.1L C.J13. p. 3.
13 17

Caud. Tim khoang cach tir M (3;2) dén dudng thing A:x+2y—-7=0
Al 1. B. 3. C. 1. D.o.

Cau 5. Cho tam gidc 4BC c6 A4(2;-2), B(1;-1),C(5;2). Do dai duong cao 4H cua tam giac

ABC la
A2 B.. c.? D. .
5 5 5 5
Cau 6. Khoang cach tir diém M (5 ;-1) dén duong thang A: 3x+2y+13=0 1a:
13 28
A —. B.2. C. —. D. 213
V2 V13 '
Ciau 7. Khoang cach tir diém M (-L1) dén duong thang A:3x — 4y — 3 = 0 bang bao
nhiéu?
A Z B.2 . c.? D. *.
5 5 25
Céu 8. Khoang cach tir diém 0(0;0) té1 duong thang A%+§:1 la
24 1 48 1
A B. —. C. —. D. —.
5 10 J14 14
Ciau 9. Khoang cach tir diém A(1;3) dén duong thang 3x+y+4=0 1a:
A 10 B. | C. % D. 210
Cau 10. Khoang cach tir diém B(5;-1) dén duong thang d:3x+2y+13=01a:
28 J13
A. 2J13. B. ——. C. 2. D. 12
N 2
Céu 11. Khoang cach tir diém M (1 ;-1) dén duong thang A:3x—4y-17=0 la:
2 10 18
A. =, B. —. C.2. D. ——.
5 J5 5

THONG HIEU

Céu 12. Cho dudng thang 4:x—2y+2=0. Phuong trinh cac dudng thang song song véi d
va cach d mdt doan bang /5 1a
Ax—2y-3=0; x-2y+7=0. B. x-2y+3=0; x-2y+7=0.

C.x-2y-3=0;x-2y-7=0. D. x-2y+3=0; x-2y-7=0..

x=1+t¢

Y gan vo1 sO nao sau day ?
y=2-

Cau 13. Khodng cach tir 4(3;1) dén duong thang d: {



A. 0,85. B. 0,9. C. 0,95. D. 1.

Cau 14. Khoang céch giira hai duong thang song song d, :6x—8y+3=0 va
d,:3x—4y-6=0 1a

AL B. 2. C.2. D. >,
2 2 2

Cau 15. Cho tam gidc 4BC c6 A(2;-2), B(1;-1),C(5;2). D) dai duong cao 4H cua tam gidc

ABC la
A2 B.. c.?2 D. L
5 5 5 5
Céu 16. Khoang cach tir diém M (5 ;-1) dén dudng thang A: 3x+2y+13=0 1a:
13 28
A —. B.2. C. =. D. 213
V2 V13 '
Céu 17. Khoang cach tir diém M (-L1) dén duong thang A:3x — 4y — 3 = 0 bang bao
nhiéu?
A2 B.2. c.? D. 2.
5 5 25

Céu 18. Khoang cach tir diém M (0;1) dén duong thang A:5x-12y-1=0 13
11 B 13

. —. L= C.1. D. J13.
13 17

Cau 19. Khoang céch tir diém M (1;-1) dén duong thang A:3x+y+4=0 la:

A. 2410 BJ%?n Cfg D. 1.

Céu 20. Khoang cach tir diém 0(0;0) té1 duong thang A%+§:1 la

24 1 48 1
A B. —. C. —. D. —.
5 10 J14 14

Cau 21. Cho duong théng A:7x+10y-15=0. Trong cac diém M(1;-3),N(0;4),
P(8;0),0(1;5) diém nao cach xa duong thang A nhat ?

A. M. B. P. C. 0. D. N.
Cau 22. Cho A4BC v6iA(1;2),B(0;3),C(4;0). Chiéu cao tam giac ung vdi canh BC béng:
A.3. B. L. c. L. D. 2.
5 25 5

Cau 23. Khoang céach gitta 2 duong thang: A, :3x—4y=0 va A, :6x—8y—101=0
A. 1,01 B. Jio1. C. 10,1 D. 101

VAN DUNG



Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cho duong thang d:x—2y+2=0. Phuong trinh cac dudng thang song song voi d
va cach d mdt doan bang /5 1a

Ax-2y-3=0; x-2y+7=0. B. x-2y+3=0; x-2y+7=0.
C.x-2y-3=0;x-2y-7=0. D. x-2y+3=0; x-2y-7=0..

Cho hai diém 4(3;-1) va B(0;3). Tim toa do diém M trén truc Ox sao cho
khoang cach tir M dén dudng thang 4B bang 4B?
A. (%;oj;(-«o). B. (2;0) va(1;0).  C.(40). D. (+/13;0).

Cho hai diém A(2;3) va B(1;4). Duong thang nao sau day cach déu hai diém 4,B
?
Ax—y+2=0. B.x-y+100=0. C.x+2y=0. D.2x-y+10=0.

Cho ba diém A(0;1),B(12;5)va C(-3;0). Duong thang nao sau day cach déu ba
diém 4,B.C
A.x-3y+4=0. B.-x+y+10=0. C.x+y=0. D. 5x-y+1=0.

Cho duong thang d:3x—-4y+2=0. C6 dudng thang d, va d, cung song song voi d
va cach 4 mot khoang bang 1.Hai dudng thing d6 c6 phuong trinh 1a:
A3x—4y—-7=0; 3x—4y+3=0. B.3x-4y+7=0; 3x-4y-3=0
C.3x-4y+4=0; 3x—-4y+3=0. D.3x-4y-7=0; 3x-4y+7=0.

Hai canh cia hinh chir nhat nam trén hai duong thang
d :4x-3y+5=0,d,:3x+4y—5=0, dinh 4(2; 1). Dién tich cta hinh chir nhat la:
A.l. B. 2 C.3. D. 4.

b . \, N & N 2 - 2t - 3 N
Khoang cach gitra hai duong thang song song voi duong thang A: {x s VA
y =
cach A4(1;1) mot khodng 345 1a: x+bx+c=0. Thé thi b+¢ bang

A. 14 hoac —16. B. 16 hoac —14. C. 10 hoac-20. D. 10.

Phuong trinh cac duong thang qua M (2;7) va cach diém N (1; 2) mot khoang
bang 1 1a

A. 12x-5y—-11=0; x—-2=0. B. 12x+5y-11=0; x+2=0.

C. 12x-5y+11=0; x—2=0. D. 12x+5y+11=0; x+1=0.

Cho duong thing A:(m=2)x+(m—1)y+2m—-1=0. Vi gid tri ndo cia m thi

khoang cach tir diém (2;3) dén A 16n nhét ?



A.mzls—l. B.m:—ls—l. C. m=11. D. m=-11.

Céu 33. Cho dudng thang d:3x—4y+2=0. C6 duong thing d, va d,cung song song vai
d va cach d mot khoang bang 1. Hai duong thang d6 c6 phuong trinh 13
A.3x—-4y —-7=0; 3x—-4y+3=0. B.3x-4y+7=0; 3x-4y-3=0.
C.3x—4y+4=0; 3x—4y+3=0. D. 3x-4y +3=0; 3x—4y+13=0.

Cau 34. Cho A(2;2),B(51) va duong thang A:x-2y+8=0. Diém CeA. C ¢6 hoanh do
duong sao cho dién tich tam gidc 4BC bang 17. Toa d6 ctia C 1a
A. (10;12). B.(12; 10). C. (8 8). D. (10; 8).

Céu 35. Hai canh cua hinh chit nhat nam trén hai dudng thang 4x -3y +5=0;3x+4y-5=0,
dinh 4(2;1). Dién tich cta hinh chit nhat la
A.l B.2 C.3 D. 4

Cau36. Tim toa d0 diém M nam trén truc Ox va cach déu 2 duong théng
A :3x-2y—-6=0 va A,:3x-2y+3=0

A.(0:\2) . B.G : o) . C.(1;0) . D. (/2 ; 0).
CAu 37. Tinh dién tich A4BC biét 4(2;-1), B(1; 2), C(2;—4):
3 3
A. V3. B. —. C.3. D. =.
v3 Y37 2

Cau 38. Cho duong théng di qua 2 diém A(3;-1), B(0; 3) , tim toa do diém M thudc Ox
sao cho khoang cach tir M t6i duong thang 4B bang! .
A.(1; 0) va (3,5 0). B.(/13; 0). C.(40) D. (2 0).

Cau 39. Cho duong thing di qua 2 diém 4(3;0), B(0;—4), tim toa do diém M thudc Oy
sao cho dién tich AMAB bang 6.
A.(0;1) B. (0;0) va (0;-8). C.(L0) . D. (0;8).

Cau 40. Cho 2 diém A(2;3),B(1;4). Buong théng nao sau day cach déu 2 diém4,B ?
A. x+y-1=0 B. x+2y=0 C.2x-2y+10=0 D. x—y+100=0

Céu 41. Khoang céach gifta 2 duong thang A, :7x+y-3=0va A, :7x+y+12=0 13

A2 B.9. c. V2 D. 15.

V50 2
Ciu 42. Tinh di¢n tich A4BC biét 4(3;2),B(0;1),C(15).

11
A——. B. J17. C.11. D.—.
V17 2



Cau 43. Cho duong thang di qua 2 diém 4(1;2),B(4;6), tim toa do diém M thudc Oy sao
cho dién tich AMAB bang 1 .
A.(0;1). B.(0;0) va (o;%j. C.(0;2). D.(10).

CAu 44. Tinh dién tich A4BC biét 4(3;-4), B(1; 5), C(3; 1):
A. 10. BS5. C. 26. D.2.5.

C. PAP AN PHAN BAI TAP TU LUYEN

1.A |11.C |21.C |31.C |41.C
2.A |12. A |22.B [32.A (42.D
3.A |13.B [23.C [33.B 43.B
4.D |14.B [24.A (34.B 44.B
5.B |15.B |25.A [35.D
6.D |16.D |26.A [36.B
7.B |17.B [27.A |37.D
8.A |18.C [28.B |38. A
9.A [19.B [29.B |39.B
10. A | 20. A |30.A |40. A

D. HUONG DAN GIAI CAU KHO

Cau 24. Chon A.
Goi A la dudng thang song song véi d:x—2y+2=0 = A:x—2y+c=0;c#2

c=17

Theo dé ra ta ¢ d(A;d):\/§:>|c—2|:5:{ 3
c=—

Cau 25. Chon A.
Ta goi M(a;0), pt AB:4x+3y-9=0,4B=5

34
:sd(M,AB)zs@m=5@ T =M 220]m, (~40)
5 4 9

Cau 26. Chon A.
Ciach 1: Goi 4 1a duong thang cach déu 2 diém 4, B, ta co:

M(x;y)ed o MA* =MB* & (x—2) +(y=3) = (x—1) +(y—4)’
S2x-2y+4=0x-y+2=0



Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cach 2: Goi I 1a trung diém cua doan AB=1 G%]
Goi d 1a duong thang cach déu 2 diém 4, B = d 13 dudng trung tryc ctiia doan AB

=d diqua l(%%j va nhan 4B =(-L1) lam VTPT

:>d:—(x—%j+(y—%j=0:>d3—x+y_2:0

Chon A.
Ciach 1: Viét phuong trinh duong thang d qua 3 diém thang hang A, B,C . Néu duong thang

cach déu 3 diém A4, B, C thi n6 phai song song hoic tring voi d

Goi d la dudng thing qua 2 diém 4,C = d :i+%=1@ Xx-3y+3=0

Kiém tra cac phuong an, ta thdy phuong an A thoa.

Cach 2: Tinh khoang céch tir 3 diém dén lan luot cac duong trong cac phuong an A, B, C, D.
Chon B.

Gia str duong thang A song song voi d:3x—4y+2=0 c6 phuong trinh 1a A:3x—4y+C=0

Ly diem M (-2;-1)ed
3.(-2)-4(-H+C

o B4

3’ +(-4)

C=7
C=-3

Do d(d,A)= 1@|C—2|=5<:{

Chon B.
Do diém 4 khong thudc hai duong thang trén.
Do dai hai canh ké cua hinh chit nhat bang khoang cach tir A(2; 1) dén hai duong
[42-3.1+5| [3.2+4.1-5|
— 2 .

NN e

théng trén, do d6 dién tich hinh chir nhat béng S =

Chon A.
GOl d:x+by+c=0
: =2t-3
Vi duodng thang d A:{x nén h=-2
y=t+5

Phuong trinh cia d:x-2y+c¢=0.

c=-14

Theo dé ra ta co: d(A;d):3\/§:>|c—1|:15:> 6
c=

Cau 31. Chon C.

Str dung phuong phap loai tru:



Dé thay diém M (2;7) khong thudc hai dudong thang x+2=0;x+1=0 nén loai B;
D.

Diém M (2;7) khong thudc duong thang 12x-5y—11=0 nén loai A.

Cau 32. Chon A.
|7m —8|

\N2mP —6m+5

Taco d=

. Bam may tinh, chon A.

Cau 33. Chon B.
GOl A:3x-4y+C=0;C#2

. C=-—
Theo dé rata co: d(d;A)=1=|C-2|=5= g

Cau 34. Chon B.
Phuong trinh dudng thang 4B:x+3y-8=0.Diém CeA= C(2-8;1)

Di¢n tich tam giac ABC':
t=10

1 1 —|5¢-16]

—ABd(C;AB)=17=—10..—1-17= = C(12:10

2B ) 2 Jio t=—§ (12:10)

Cau 35. Chon D.
Khoang céch tir dinh 4(2;1) dén duong thang 4x-3y+5=0 1a2

Khoang cich tir dinh 4(2;1) dén duong thang 3x+4y-5=0 1a2

Dién tich hinh chit nhat bang 2.2=4.

Cau 36. Chon B.

Ta c6: M € Ox= M (x;0)

3x—-6=3x+3(vn)

3x—6| [3x+3] R 1
d(M;A)=d(M;A <:>| = & Vay M| —;0
(M:4,)=d(M:4,) Ji3 13 3x—6:—3x—3<:>x:% Y (2 j

Cau 37. Chon D.
Puong thang di qua 2 diém 4(2;-1) va B(1; 2) c6 vecto chi phuong 1a
AB =(-1;3) suy ra toa d§ vecto phap tuyén 1 (3;1).

Suy ra4B:3(x-2)+1(y+1)=0=3x+y-5=0



32-4-5 3
NCEREREENIT)

Dién tich A4BC: s =%.d(C; AB).AB :% .

d(C;AB) = ; AB=A/10.

Cau 38. Chon A.
Duong thing di qua 2 diém A(3;—1) va B(0;3) c6 vecto chi phuong 1a 4B = (-3;4)

suy ra toa do vecto phap tuyén 13 (4;3).
Suy ra: AB :4(x-3)+3(y+1)=0<4x+3y-9=0

MerzM(x;O)

7 7
|4x—9| 4x-9=5 X=—:>M[—;Oj
dM;AB)=1c"—=L=1< 2 2 ).
V4 +3 4x-9=-
x:l:M(l;O)
Cau 39. Chon B.

Tacod AB(-3;—4)= AB=5,
Puong thang 4B di qua A(3;0), B(0;—4)nén c6 phuong trinh 4x—3y-12=0.
A A 3m+12
M thudc Oynén M(O;m);d(M,AB):m
m =
S \ns =6@|3m+12|=12@[
m=—

Vay toa do cua M 1a (0;0) va(0;-8).

Cau 40. Chon A.
Ta c6 duong thang cach déu hai diém 4, B 13 dudng thang di qua trung diém

I (%9 ciia 4B hoic la dudng thang song song voi AB:x+y—5=0. Ta chon A.

Cau 41. Chon C.
. . A 342
Tacod M(0;3)eA, va A //A, nén: d(Al,A2)=d(M,A2)=T.

Cau 42. Chon D.
AB =(-3;-1)= 4B =+10; AC =(-2;3) = AC =13

AB.AC 6-3 3

|4B|.|AC| 10413 130

= sin (4B, AC) = ——.

cos(ﬂ?,z’) = =0



1 ya——
S s :EAB.AC.sm(AB,AC) =

5. Goc giira dwong thang va mit phing.
Phwong phap giai:

Sir dung cong thirc tinh goc giira hai dwong thang.
Phuwong trinh dwong phan giac

A. VI DU MINH HOA

Huéng din giai



Puong thang: 3x+y—-1=0 co vipt 7, =(3;:1)
Puong thang: 4x—2y-4=0 cb vipt ii, =(4;-2)
AR

= (d3d,)=45"

HAE

cos(d,;d,) = |cos(ﬁ1 7, )| -

Vi du 1: Tim cosin goc gitta 2 duong thang A, : x+2y—+2=0 va A,: x-y=0.

A VIO B. 2. c. 2 p. 3.
10 3 3

Vi du 1: Tim cosin goc gitta 2 dudng thang A, : 10x+5y-1=0va Azz{
y

A= B, Yio. c. 3o D. >
10 10 10 5

Hudéng dén:

Vecto phap tuyén cta A,A, 1an lugt 13 n, =(2;1),n, = (1;1)

”1 nz 3

cos(A,A,) = ‘cos(nl,nz)

Vi du 1: Cho hai dudng thang d: x+2y+3=0,d": 2x+y+3=0. Phuong trinh cac duong

phan giac cua cac goc tao boi d va d’ la:

Huoéng dén giai

Phuong trinh cac duong phan gidc cua cac goc tao boi d va d' 1a:

|x+2y+3|_|2x+y+3|<:> X+2y+3=2xky+3 [a-y=0
NEE N JI2 422 x+2y+3=—(2x+y+3) x+y+2=0"

Vi du 1: Cho tam giac ABC cO AB:2x—y+4=0; AC:x-2y—-6=0.Bva C thudc Ox.
Phuong trinh phan giac ngoai cua goc BAC la

A. 3x-3y-2=0. B. x-y+10=0. C.3x+3y+10=0. D. x+y+10=0.



Huéng din giai:
Chon A.
Do B,CeOx= B(-2;0),C(6;0) Goi M (x;y) thudc dudng phén gidc cua goc BAC

|2x—y+4| 3 |x—2y—6|

T >: d(M,AB)=d(M,AC) <
aco: d( )=d( ) NG NG

el2x—y+4|=|x-2y-6|

x+y+10=0
S
3x-3y-2=0

Khi d6: (-2+10)(-6-2)<0 nén 3x-3y-2=0 1a duong thang can tim

B. BAI TAP TU LUYEN

NHAN BIET
Caul. Cho hai dudong thing 7x—3y+6=0,2x—5y—4=0. Goc gita hai duong thing trén
1a
A~ B. 2~ c.” p. 2~
4 4 3 3

Céu 2. Tim cOsin giita 2 dudng thang A, : 2x+3y-10=0 va A,: 2x—3y+4=0.

7 6 5
A.E. B.E. C. J13. D.E.

Cau 3. Tim goc gitta 2 dudng thang A, : 2x+2V3y+/5=0va A,: y-/6=0
A. 60° ., B. 125° . C. 145°, D. 30°.

Cau 4. Tim goc gitta hai dudng thang A, : x+/3y=0 va A,: x+10=0.
A. 45°, B. 125°. C. 30°. D.60°,

Cau 5. Tim goc gitta 2 duong thang A, : 2x—y—-10=0va A,: x—3y+9=0
A. 60°, B. 0°. C. 90°. D. 45°.

Cau 6. Tim cosin goc giita 2 duong thang A, :x+2y—-7=0 VA A,:2x—-4y+9=0.

3 2 1 3
A, -=. B. —. C.-. D. —.
5 J5 5 NG
Cau 7. Tim goc gitta hai duong thang x++/3y=0 va x+10=07?
A. 60°, B. 30°. C. 45°. D. 125° .
Ciau 8. Tim goc gitta hai duong thang d:2x—y—-10=0 va A:x-3y+9=0.
A. 30° B. 60° C. 45°. D. 125°.

Cau 9. Tinh cosin ctia goc gitra hai duong thang d,:2x+3y-10=0 vad,:2x-3y+4=0 ?



5 6 5
A.E. B.E. C.ﬁ. D. J13.

Céu 10. Cho hai duong thang 7x-3y+6=0, 2x—5y—-4=0. Goc giita hai duong thang trén

la
AL B.Z. c.z. D. Z.
4 4 3 3
THONG HIEU
A \ y .~ \ 2 N x=10_6t
Cau 11. Tim goc gilta 2 duong thang A, :6x-5y+15=0va A,: y=1450
A. 90°. B. 60°. C. 0°. D. 45°.
A o ‘ . . x=15+12¢
Cau 12. Tim co6sin goc gitra 2 duong thang A, :3x+4y+1=0 va A,: 15
y:
A2 B.&. c.2 D. -2
65 13 65 65
A e . ‘ x=10-6t
Cau 13. Tim goc gitta hai duong thang d,:12x-10y+15=0 va d, : 145 ?
y:
A.90°, B.30°. C.45° . D. 60° .

Céu 14. Tinh cosin ctia goc giita hai dudng thang d, :x+2y-2=0 va d,:x—y=0

A YO B. Y2, c. B3 D. V3.
10 3 3
A p . ) , “~ . N 2 . x=2+t
Cau 15. Tinh cosin cua goc gitra hai duong thang d, :10x+5y-1=0 va d, :{y 1 ?
1 1
A 200 B.>. c. Yo D. .
10 5 10 10
A N URUE PR, 2 . Jx=10-6¢
Cau 16. Tim goc gitra hai duong thang 6x-5y+15=0 va 145¢ ?
y:
A.90° B.30° C.45° D. 60°

VAN DUNG

Céu 17. Cap dudng thang nao dudi ddy 1a phan giac ciia cac goc hop boi 2 dudng thang
A 3x+4y+1=0 va A, :x-2y+4=0.

A. B+5)x+22-5)y+1+4/5=0 va 3—/5)x+2Q2+/5)y+1+4/5=0.
B. G+V5)x+2(2-5)y+1+4/5=0 va B=5)x+22+/5)y+1-4/5=0.
C. B=5)x+22=5)y+1+4J5=0 va B+~/5)x+22+5)y+1-4/5=0.



D. G+V5)x+2Q2+5)y+144/5=0 va B=/5)x+22-5)y+1-4J5=0.

Céu 18. Cap duong thiang nao dudi day 1a phan giac cua cac goc hop boi duong thing
A:x+y=0 vatruc hoanh Ox.
A. 0+V2)x+y=0; x—(1-~/2)y=0. B. (1+v2)x+y=0; x+(1-+2)y=0.
C. 1+v2)x=y=0; x+(1-2)y=0. D. x+(1+~2)y=0; x+(1-~/2)y=0.

Cau 19. Cip dudng thang nao dudi day 13 phan gidc cta cic goc hop boi 2 duong thang
A ix+2y-3=0 va A,:2x—y+3=0.
A.3x+y=0 va x-3y=0. B.3x+y=0 va x+3y-6=0.

C.3x+y=0 va —x+3y-6=0. D. 3x+y+6=0 va x-3y—-6=0.

Céu 20. Cip duong thang nao dudi day 1a phan gidc cta cac goc hop boi hai dudng thang
x+2y-3=0 va 2x—y+3=0,
A.3x+y=0 va-x+3y+6=0, B. 3x+y-3=0 va 2x—-y+3=0 .

C.3x+y=0 va —x+3y-6=0 . D.3x+y=0 va x+3y-6=0.

Céu 21. Cho hai dudng thang d:3x—4y+12=0;d":12x+5y—-20=0. Phuong trinh phan giac
gdc nhon tao boi hai dudng thang d6 1a
A. 99x—-27y+56=0, B. 99x+27y-56=0.

C.llx+3y+7=0. D. 11x-3y-7=0

Céu 22. Cho hai dudng thiang d:x+2y+3=0,d":2x+y+3=0. Phuong trinh cac dudng
phan giac cua cac goc tao boi d va d’ la
A. x+y=0; x—y+2=0. B.x-y=0; x+y+2=0.

C. x+y+2=0; x—y=0. D. x+y—-2=0; x—y—1=0.

Céu 23. Cho hai dudng thang d:x+3y—-6=0 va d':3x+y+3=0. Phuong trinh dudng phan
giac clia goc tao béi d va d' nam trong mién xac dinh boi d, d' va chta gbc O 1a
A. 2x-2y+9=0. B. 4x+4y-3=0. C.2x+2y+9=0. D. 4x+4y+3=0.

Cau 24. Cho dudng thang d:3x—4y-12=0. Phuong trinh cdc dudng thang qua M (2;-1)
va tao voi d mot goc % la
A. Tx—y—15=0; x+7y+5=0. B. 7x+y-15=0; x-7y+5=0.
C. 7x—y+15=0; x+7y-5=0. D. 7x+y+15=0; x—7y-5=0.

Céu 25. Cho hai duong thang d:7x+y+6=0 va d’:x—y+2=0. Phuong trinh dudng phan
giac géc nhon tao boi d va d' 1a
A. x+3y+8=0. B. 3x+y-1=0.



C.3x-y+4=0. D. x-3y+1=0.

Céu 26. Cho hai dudng thing d:x—3y+5=0 va d’:3x—y+15=0. Phuong trinh dudng
phén gidc goc tu tao boi d va d’ 1a
A. x—y-5=0. B. x+y+5=0. C.x+y-5=0. D. x—y+5=0.

C. PAP AN PHAN TU LUYEN

1.A |[11.A |21. A
2.D |12.D |22.C
3.D |13.A |23.B
4.D |14.A [24.B
5.D |15.A [25.C
6.A |16.A [26.B
7.A |17.B
8.C |18.D
9.9A |19.C
10. A [ 20.C

D. HUONG DAN GIAI CAC CAU TU LUYEN KHO

Cau 17. Chon B.
Ciap duodng thing 1a phan giac cia cac goc tao boi A,,A, 1a:

[3x+d4y+1|_|x=2y+4| 3x+4y+1=+/5(x—-2y+4)

5 J5 Ixt+dy+1=—/5(x—2y+4)
3x+4y+1=~/5(x=2y+4)
3x+4y+1=—/5(x-2y+4)

Cau 18. Chon D.
Goi M(x;y) la diém thudc duong phan giac

:d(M,A):d(M,Ox):M=|y|:>x+(lix/§)y=0

NG

Cau 19. Chon C.
Goi M(x;y) 1a diém thudc dudng phéan giac

= d(M,A)=d(M,A,)= r+2y-3 _[2x—y+3

V5 J5

-x+3y—-6=0
=>x+2y-3=22x-y+3)=

3x+y=0

Cau 20. Chon C.



x+2y-3 [2x-y+3 x+2y-3=2x—-y+3 x—=3y+6=0
r+29-3_[px-y+d |

J5 J5 xX+2y-3=-2x+y-3 3x+y=0

Cau 21. Chon A.
Ta co: u, =(3;-4) va u, =(12;5) 1a véc to chi phuong ctia d,d’ va u,.u, =36-20>0
Nén phuong trinh phan gidc cua gbc nhon la

3x—4y+12 _ 12x+5y-20
5

< 99x-27y+56=0

Cau 22. Chon C.
Ta co: M(x,y) thudc duong phan gidc khi
|x+2y+3| 3 |2x+y+3|

5 5

x-y=0

d(M,d)=d(M,d") <
<:>|x+2y+3|:|2x+y+3|<:> Xty +2=0

Cau 23. Chon B.
Goi M (x,y) thudc duong phan giac cia d, d' khi

|x+3y—6| _|3x+y+3|

V10 V10

d(M;d)=d(M;d") <

2x-2y+9=0

|x+3y—6|:|3x+y+3|<3{4x+4y_3:0

Cau 24. Chon B.
Goi n=(4;B) va 4 +B* =0 la véc to phap tuyén cta A

34-4B
Ta co: cos’= | | <:>\/§|3A—4B|:5 A* + B?
4 ¥ +8 L+ B
) i B=74
< TA +484B-7B =0
A=-7B

Véi B=74 chon A=1,B=7=x+7y+5
V61 A=-7B chon 4=7,B=-1=7x-y-15=0

Cau 25. Chon C.

Ta cd: m =(7;1) va n, =(1;-1) 1a véc to phap tuyén ctia d va d' va m.n, =7-1>0

Nén phuong tinh duong phan giac ctia goc nhon la:



Tx+y+6 = x—y+2

V50 V2

< 3x—-y+4=0

Cau 26. Chon B.
Ta co: m =(1;-3) va n, =(3;—1) 1a véc to phap tuyén ctia d va d’ va m.n, =3+4>0
Nén phuong tinh dudng phan giac cua géc nhon la:

x—=3y+5 3x—y+15
J10 J10
Dang 8. Tim toa dd cac diém hinh chiéu, d6i xirng. Viét phwong trinh hinh chiéu, d6i
xirng
1. Xac dinh hinh chiéu # ciia diém M trén dwong thing (d)

S x+y+5=0

Phuwong phap:

Cach 1:

+) Viét phuong trinh duong thing A di qua M va vudng goc véi (d).
+) Toa d6 diém H 1a giao diém ciia dudng thiang (d)va duong thing A.
Cach2: Cho d:ax+by+c=0

+) Goi H 1a hinh chiéu cua M diém 1én dudng thing 4 . Khi d6 ta co:

H(r; —at—cj.
b
+)Tacod: AHu,

Tir d6 suy ra toa do diém H .

Chii y: Néu diém M (x; 7, ), khi d6 toa do hinh chiéu 7 cta M trén:
+) Ox cotoadd H(x,;0).
+) Oy cotoadd H(0;y,).

2. Xac dinh diém M, d6i xtng véi diém M qua (d).
+) Xac dinh hinh chiéu H cla diém M trén duong thang (d)
+) Goi M, la diém d6i ximg v6i M qua d thi H 13 trung diém ciia MM, , ta dugc:
Xy, =2Xy =Xy,
{yMl =2y =Yy

3. Viét phwong trinh hinh chiéu déi ximg ciia dwong thang
Bai toan: Cho duwong thiang d, va d,. Viét phwong trinh duwdng thang J doi
xung voi d, qua d,.
+) Xac dinh giao diém 7 cua hai dudng thang d, va d,
+) Lay diémM e d, . Tim toa d¢ diém N d6i xtng véi M qua d,.
+) Viét pl}u’ong trinh dudng thang d di qua IM .
Chu y: Néu d, //d,ta lam nhw sau:



+) Léy diém M,N e d, sau do xac dinh hinh chiéu cua diém M, N qua d, la M',N'.
+) Viét phuong trinh duong thangd di qua M ', N'.
B. VI DU MINH HQA

Vi du 1: Toa d6 hinh chiéu cua M (4;1) trén duong thang A: x—2y+4=0 la:

A.(14;-19). B. (2;3). C. (%,1?7) . D. (—Ellj
Huéng din giai

Chon C.

Puong thang (A) ¢ 1 VIPT n(;-2), Goi H(2¢—4;¢) 13 hinh chiéu cua M (4:1)

trén dudng thang (A) thi MH (2¢-8;¢-1)

H(2t—4;¢) 12 hinh chiéu cia M (4;1) trén duong thang (A) nén MH(2t-8;t—1) va

20-8 11 17 14 17
= et=T = H

n(2;-3) cung phuong khi va chi khi : -

Vi du 2: Cho duong thang d:2x-3y+3=0 va M (8; 2). Toa do cua diém M’ dbi
xing vo1 M qua d la:
A. (-4;8). B. (-4;-8). C. 49) . D. (4;-8) .
Huéng din giai
Chon C.

Ta théy hoanh d§ va tung dd cua diém M’ chi nhan mot trong 2 gia tri nén ta co
thé 1am nhu sau:

Puong thang d ¢6 1 VIPT n(2;-3), Goi M (x;y) thi MM '(x—2;y+3)

M’ d6i xtmg véi M qua d nén MM '(x—2;y+3) va n(2;-3) cung phuong khi va chi
khi

2 -3 3

-2 28-2
X y+3<:>x: 8—2y

Thay y=8 vao ta dugc x=4

Thay y=-8 vao thiy khong ra dung x =+4.

Cach 2:

+ptdt A di qua M va vudng géc vo1 d la: 3(x—8)+2(y—2)=0<3x+2y—-28=0.

+ Gol H=dNA= H(6;5).



+ Khi d6 H 1a trung diém ctia doan MM’ Ap dung cong thic trung diém ta suy ra

X, =2x,—Xx, =12-8=4 .
{M S . Vay M'(4;8).

Yur :2yH_yM =10-2=8

Vi du 2: Cho hai duong thang d,:x+2y—1=0, d,:x—3y+3=0. Phuong trinh duong
thang d d6i xang véi d, qua d,la:

A.x-2y+2=0. B.2x-y+2=0.
C.x+2y+2=0. D. x+7y+1=0.
Huéng din giai

Chon B. .

Goi7la giao diém cua hai dudng thangd,,d,. Toa d6 diém 1 /
N . A N A x+2 —120 3 4 ! H a2
la nghiém cua hé: Y = 1(__;_j
x=3y+3=0 55 |

Lay diém M (1,0)ed,. Duong thang A qua M va vudng goc voi

d, co phuong trinh:3x+y-3=0.

. n aeR . n ) .~ | x=3y+3=0 36
GoiH =And,, suy ra toa do di€m A 1a nghiém cua he:{ Y H (—'—]

= ;
3x+y-3=0 55

=N (%%j 1a diém d6i xtmg cua M qua d,.

’ val| ——;—
Phuong trinh duong thangd : 1 ( 5 Sj cd dang:2x—y+2=0.
n,=n, = (2;—1)
C. BAITAP TU LUYEN
1. THONG HIEU

Lz , =2+2 C .
Céau 1. Tim hinh chi€u cia 4(3;—4) 1én duong thang d :{x ~ ;r t. Sau day la bai giai:

Buoc 1: Léy diém H(2+2t,-1-¢) thudc d.Tacd AH = (2t—1;—¢+3)
Vecto chi phuong ctia d 1a u= (2;-1)

Buwée 2: H 1a hinh chiéu cia 4 trén d © AH 1 d < u. AH =0
< 2(2t-1)-(-t+3)=0=1=1

Bucc 3: Vi t=1tacoH (4, —2). Vay hinh chiéu ctia 4 trén d lam (4, -2) .



Bai giai trén dung hay sai ? Néu sai thi sai tir budc nao ?

A. bung B.Saiturbuéc 1  C.Saitrbudc2  D. Sai tir bude 3
Cau 2. Cho hai duong thang d:x+2y-1=0, d':x—2y—1=0. Cau nio sau ddy ding ?

A. d va d' d6i ximg qua O B. d va d' d6i ximg qua Ox .

C. d va d' dbixtimg qua Oy . D. d va d' d6i ximg qua duong thang

y=2x

x=1+3t _ . . R o
va diém M (3;3). Toa d6 hinh chiéu vudng goc ctia M

Cau3. Cho duong thang A:{

trén duong thing A la:
A.(4-2) B. (1;0) C. (-2;2) D. (7;4)

x=2+2t e
. Sau day la bai giai:
y=—1-t

Buwoce I: Léy diém H(2+2t;-1-t)thudcd . Ta cd AH =(2t-1;-1+3)

Caud4. Tim hinh chiéu cia 4(3;-4) Ién dudng thing d :{

Vecto chi phuong cta d 1a u =(2;-1)

Buwée 2: H 13 hinh chiéu cua 4 trén d
S AH Ld s udH=0c2(2t-1)—(~t+3)=01¢=1
Budc 3: Voi t=1tacd H(4-2).
Vay hinh chiéu ctia 4 trén d 1a H (4;-2).
Bai giai trén dung hay sai 2 Néu sai thi sai tir budc ndo ?
A. Plng B.Saitrbuéc 1  C.Saitrbudc2 D. Sai tir budce 3

2. VAN DUNG THAP

Ciau 5. Cho diém M(1;2)va duong thang d:2x+y-5=0. Toa do cta diém ddi xing voi
diém M qua d 1a:

L33 w3 el nBe)

x=2-3t

Cau 6. Cho duong thang A :{
y=142¢

. Hoanh d hinh chiéu cia M (4;5) trén A gan nhét véi
sd ndo sau day ?
A1l B. 1,2 C. 1.3 D.1,5

x=t-2

Cau7. Cho diém A4(-1;2) va dudng thang A:{ . Tim diém M trén A sao cho AM

ngan nhat.



Budée 1: Diém M(t-2;-t-3)eA

Budc 2: CO MA* =(t 1) +(—1-5) =22 +8t+26=1> + 4t +13=(1+2) +9>9
Budc 3: MA*>9 < MA>3,

Vay min(MA4)=3 khi r=-2. Khi d6 M (—4;-1).

Bai giai trén dung hay sai ? Néu sai thi sai ¢ dau ?

A. Dung B.Saitrbuéc 1  C.Saitrbudc2 D. Sai & bude 3
Cau8. Cho dudng thang d:2x-3y+3=0 va M (8;2). Toa do cta diém M’ dbi xtmg véi M

qua d la

A. (-4; 8). B. (—4;-8). C. (438). D. (4;-8).

AP AN PHAN BAI TAP TU LUYEN

C.Db
1. A
2.B
3.B
4. A
5.A
6.D
7.C
8.C

D. HUONG DAN GIAI CAU KHO PHAN BAI TAP TU LUYEN
Cau 2. Chon B.

Duong thing d nOx = 4(1;0)ed’

Léy diém M(O;%) ed= D, (M)= N(O;—%) ed'

Cau 3. Chon B
Goi Hla hinh chiéu cua M trén A. Ta co:
HeA= H(1+3t;-2t),MH = (-2+3t;-3-2¢)

Duong thing Acd vecto chi phuong 13 u = (3;-2).
MH Lu< MHu=0<3(-2+3t)-2(-3-2t)=0 13t =0 <1 = 0= H(1;0).

Cau 5. Chon A.
Tathdy M ¢d .



Goi H(a,b) 14 hinh chiéu ctia diém M 1én duong thing d .
Ta c6 dudng thang 4:2x+y—5=0 nén cd vtpt: n = (2:1)

Suy ra u(~1;2) 1a vecto chi phuong ctia duong thing d

a=

=
2a+b-5=0

{MH Lu {MH.& =0 {(—l)(a—1)+2(b—2)
= =
Hed Hed 2a+b-5=0

0 {—a+2b—3=0
=
b=

Do do H(Z,Ej .
55

Goi M'(x,y) dbi xtmg v6i M qua duong thang d . Khi d6 ta co: # 13 trung diém

cua MM’
7 l1+x 9
5 2 =5
Ta co 5 =
E_2+y _2
5 2 Y=

Sai tu budc 2.




IIL. PE KIEM TRA CUOI BAI

Cau 1. Cho dudng thang (d): 2x+3y—4=0 . Vecto nio sau ddy la vecto phap tuyén cia (d)?
A. n =(3;2). B. n, =(2;3). C.n=(2-3).  D.n=(-23).

Cau2. Cho dudng thang (d):x—2y+1=0.Néu duong thang (A) di qua M (1;—1) va song song véi
(d ) thi (A) c6 phuong trinh
A. x-2y-3=0 B. x-2y+5=0 C.x-2y+3=0 D. x+2y+1=0

Cau3. Chobadiém A(;-2),B(5;—-4),C(~1;4) . Dudng cao A4’ clia tam gidc - c6 phuong trinh
A.3x-4y+8=0 B.3x-4y—-11=0 C. -6x+8y+11=0 D.8x+6y+13=0

Cau4. Cho hai diém A(—2;3);B (4;—1). viét phuong trinh trung truc doan .
A. x—y-1=0. B. 2x-3y+1=0. C.2x+3y-5=0. D.3x-2y-1=0.

Cau5. Cho hai duong thing (A,):11x—12y+1=0 va (A,):12x+11y+9 =0. Khi d6 hai duong
thang nay
A. Vudng goc nhau B. cit nhau nhung khong vudng goc
C. trung nhau D. song song v&i nhau

Cau 6.  Cho hai duong thing (d,):mx+y=m+1,(d,):x+my =2 cat nhau khi va chi khi :
A. m#2. B. m=+1. C. m=1. D. m#-1.

Cau 7. Phuong trinh ndo sau day biéu dién dudng thiang khong song song v4i dudng thang
(d):y=2x-1?
A.2x—y+5=0. B.2x-y-5=0. C.-2x+y=0. D. 2x+y—-5=0.

Cau8.  Viét phuong trinh tong quét clia duong thang di qua diém /(-1;2) va vudng goc voi duong
thang c6 phuong trinh 2x— y+4=0
A, —x+2y-5=0 B. x+2y-3=0 C.x+2y=0 D. x-2y+5=0

~ Coa 2 x==2+5t g . iR . R
Cau 9. Hai duong thang (d,): y va (d,):4x+3y—18=0. Cat nhau tai diém c6 toa do:
y =

A. (2;3). B. (3;2). C. (1;2). D. (2:1).

Cau 10. Cho tam gidc ABC c6 A(-1-2);B(0;2);C(-2;1). Pudng trung tuyén BM c6 phuong trinh
la:
A. 5x-3y+6=0 B. 3x-5y+10=0 C. x-3y+6=0 D.

3x—y-2=0




x=4+t x=—1+¢ x=—1+5¢ x =445t
A. B. C. D.
y=—1+t y=4—t y =445t y=—1+5¢
Céu 12. Cho tam gidc ABC biét tryc tim H(1;1) va phuong trinh canh AB:5x—2y +6 =0, phuong

trinh canh 4C :4x+7y—21=0. Phuong trinh canh BC la
A. 4x-2y+1=0 B.x-2y+14=0 C.x+2y-14=0 D. x-2y-14=0

()6x4y140

Cau 14. Cho tam giac ABC c6 A(l;—2) ,duong cao CH :x—y+1=0, duong phan giac trong
BN :2x+y+5=0.Toadd diém B 1a
A. (43) B. (4;-3) C. (-4;3) D. (—4;-3)

A. 7x+y—-2=0. B.7x—y=0. C.x-7y-2=0. D. x+7y—-2=0.

Ciu 16. Cho tam giac ABC biét truc tim H(1;1) va phuong trinh canh AB:5x—2y+6 =0, phuong
trinh canh 4C :4x+7y—21=0. Phuong trinh canh BC la
A. 4x-2y+1=0 B.x-2y+14=0 C.x+2y—-14=0 D. x-2y-14=0

Cau17. Cho tam giac ABC c6 A(1;-2), duong cao CH:x-y+1=0, duong phan gidc trong
BN :2x+y+5=0.Toadd diém B la
A. (4;3) B. (4;-3) C. (—4;3) D. (—4;-3)

. , =1+t . .
Cau 18. Cho hai diem A(-1;2), B(3;1) va dudng thang A:{x . Toa dd diém C thudoc A dé tam
Y

=2+t
gidc ACB cantai C.
A. (Z,Ej B. (Z,—EJ C. (—Z,EJ D. (E,Zj
6 6 6 6 6 6 6 6

Cau19. Cho 4 diém 4(-3;1),B(-9;-3),C(-6;0),D(-2;4). Tim toa do giao diém cua 2 dudng thang
AB va CD.
A. (-6;-1) B. (-9;-3) C. (-9;3) D. (0;4)
x=2+3t
y=5-4
A. A(5;3). B. B(2;5). C. C(-19). D. D(8;-3).

Cau20. Cho(d): { . Biém nao sau day khong thudc (d)?

Ciu 21. Phuong trinh ndo sau ddy biéu dién dudng thing khong song song véi dudng thing
(d):y=2x-1?
A. 2x-y+5=0. B.2x-y-5=0. C.-2x+y=0. D. 2x+y-5=0.



Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 1.

Ménh d nao sau ddy ding? Dudng thang (d):x—2y+5=0:
A. Pi qua A(l;—2).

B. C6 phuong trinh tham sé:-.

C. (d) c6 hé sb goc k:% :

D. (d) cat (d')c6 phuong trinh: x—2y =0.

x=2+3t
Cho(d):{
y=5-4

A. A(53). B. B(2;5). C. C(-19). D. D(8;-3).

. Biém nao sau day khong thudc (d)?

x=2+3t
Cho (a’):{
y=3+t

A. 1 B. 0

. Hoi c6 bao nhiéu diém M e(d) cach A(9;1) mot doan bang 5.

C.3 D. 2
Cho tam gidc ABC . Hoi ménh dé nao sau day sai?

A. BC 1a mft vecto phap tuyén ciia duong cao AH.
B. BC la mot vecto chi phuong ciia dudng thang BC.
C. Cac duong thing AB, BC, CA déu co hé sb goc.

D. Puong trung truc cia AB c6 AB 1a vecto phép tuyén.

HET
BANG DAP AN
1.B 11.B [ 21.D
2. A 12.D [ 22.C
3.B 13. A |23.B
4.D 14.D (24.D
5.A 15.D | 25.C
6.C 16.D
7.D 17.D
8.B 18. A
9. A 19. B
10. A [20.B
HUONG DAN GIAI

Chon B.



Cau 2.

Cau 3.

Cau 6.

Cau 9.

Taco (d):2x+3y-4=0=VTPTn=(2;3)

Chon A.

Taco (A)//(d)x—2y+l:0:>(A):x—2y+c=0(c¢1)

Ta lai co M(l;—l)e(A):>1—2(—1)+c=0<:>c:—3

Vay (A):x—2y—3:0

Chon B.

Taco BC =(-6;8)

VIPT n=BC =(-6;8)
qua A(1;-2)

Suy ra AA':—6(x—1)+8(y+2)=0<:>—6x+8y+22=0©3x—4y—11:0.
Chon D.

Goi M trung diém 4B = M (1;1)

Taco AB=(6;—4)

Goi d 1a duong thing trung tryc cia AB.

Phuong trinh d nhan VTPT n=(6;-4) va qua M (1;1)

Suy ra (d):6(x—1)—4(y—1)=0c>6x—4y—2:0<:>3x—2y—1:0
Chon A

Taco: (A,) ¢6 VTPT la n, =(11;-12); (A,) 6 VIPT 1a n, =(12;11).

Goi AA' 1a duong cao cua tam giac AABC = AA' nhan {

Xét n.n, =11.12-12.11=0 = (A,) L(4,)

Chon C.
=m+1(1
(d)n(d,) & ey =m+1(1) c6 mot nghiém
x+my:2(2)
Thay (2) vao (1) :>m(2—my)+y:m+1<:>(l—mz)yzl—m(*)
A . A A . n 1-m*#0

H¢ phuong trinh c6 mdt nghiém < (*) c6 mot nghiém <:>{ 120 Sm#l.
m—1#

Chon D.

Taco (d):y=2x—1=>(d):2x—y—1=0 chon D

Chon B

Goi (d) 1a dudng thang di qua I(—l;2) va vudng goc v6i duong thing (af1 ) 2x—y+4=0

Taco (d)L(d,) e nw =uw)=(12)
:>(d):x+1+2(y—2):0<:>x+2y—3:O
Chon A.

Ta c6 (dl):{

x=-2+5¢

Y :>(d1):2x—5y+4:0
y:



. . . o . 2x-5y+4=0 x=2
Goi M :(dl)m(dz) = M 1a nghiém cua hé phuong trinh

S
4x+3y-18=0 y=3
Cau 10. Chon A

Goi M latrung diém AC DM(—%;—%j . W:(_i;_éj

BM qua B(0;2) va nhan ;1:(5;—3) lam VIPT = BM :5x-3(y-2)=0<5x-3y+6=0

Cau 11. Chon B
Ta co: M (-1;4);N(4;—-1). MN diqua M (-1;4) va nhan Z\TN:(S;—S) lam VTCP

{x=—1+51
= MN :
y=4-5t
Ciu12. ChonD.
Taco A=ABNAC = A(0;3) = AH =(1;-2)
Tacé BH L AC=(BH):Tx—4y+d =0
Ma H(I;1)e(BH)=d =-3 suyra (BH):7x—4y—-3=0

C6 B=ABNBH = B(—S;—%)
Phuong trinh (BC) nhan AH =(1;-2) 13 VTPT va qua B[—S; —%}

Suy ra (BC):(x+5)—2(y+%j:0<:>x—2y—14:0

Cau 13. Chon A.

Ta nhén thiy (A) song song voi cac duong (dz);(d3);(d4)
Cau 14. Chgn D.

Taco AB L CH = (AB):x+y+c=0

Ma A(l;—Z)e(AB):l—2+c:0:>c=l

Suy ra (AB):x+y+1:O

= B(-4;3).

, . A . x+y+1=0 x=-4
Co6 B=ABN BN = N langhi¢ém hé phuong trinh

2x+y+5=0 y=3
Cau 15. Chon D.

Tacoé H=BH N AH = H la nghi¢m cua h¢ phuong trinh

2x+y—-4=0 x=2

=

x—y-2=0 y=0
Taco CH L AB=>CH :x+7y+c=0 ma H(2;0)eCH =2+7.0+c=0<c=-2
Suyra CH :x+7y-2=0.

= H(2;0)

Cau 16. Chgn D.
Tacd A=ABNAC = A(0;3) = AH =(1;-2)



Ta co BHJ_AC:>(BH):7x—4y+d:O
Ma H(l;l)e(BH)zd:—3 suy ra (BH):7x—4y—3:0

C6 B=ABNBH = B(—S;—%)
Phuong trinh (BC) nhan AH =(1;-2) 13 VTPT v qua B(—S;—%)

Suy ra (BC):(x+5)—2(y+%j:0<:>x—2y—14:0
Cau 17. ChonD.

Taco AB L CH = (AB):x+y+c=0

Ma A(l;—Z)e(AB):l—2+c:0:>c=l

Suyra (AB):x+y+1=0

:>B(—4;3).

, . B . x+y+1=0 x=-4
C6 B=AB N BN = N langhi¢m hé phuong trinh =

2x+y+5=0 y=3
Cau 18. Chogn A.
CA=(-2~1;~1)

Taco CeA=C(1+1,2+1)=
CB=(2-t;-1-1)

Taco AACB cantai C & CA* =CB* & (-2—1) +(~t) =(2-1)" +(-1-1)’ @t:%

Suy ra C(%,%)
Cau 19. Chon B.
Ta c6 AB=(-6;,-4)=VTPTn,, =(2;-3)=(A4B):2x-3y=-9
Ta c6 CD =(4;4)= VTPT n, =(;-1)=(CD):x—y =6
Goi N=4ABnNCD

) 2x-3y=-9
Suy ra N la nghiém cua hé { e :>{

x—y=-6
Cau 20. Chon B.
2=2+3¢ t=0
Thay B(2;5)= =
5=5-4¢ t=0
Cau 21. Chon D.

Taco (d):y=2x—1=(d):2x—y—1=0 chon D

Cau22. Chen C.
Giast A(1;-2)e(d):x—2y+5=0 =1-2.(-2)+5=0(v/) loai 4.
Taco (d):x-2y+5=0=VTPTn=(1,-2)= VTCPu=(2;1) loai B.
Ta co (d):x—2y+5=0:>y=%+§ = hé s6 goc k=% Chon C.
Cau23. ChonB.



=t=0

2=2+3t [t=0
Thay B(Z;S):{ {

S=5-4  |t=0

Ciu 24. Chon D.
Lu6n c6 2 diém thoa yéu cau bai toan.
That vy  M(2+3m;3+m),  M(2+3m3+m). Theo YCBT ta  ¢0
AM =5 < 10m* —=38m+51=25 < 10m*> —38m+26 = 0 (*), phuong trinh (*) c6 hai nghiém
phan biét nén c6 hai diém M théa YCBT.

Cau 25. Chon C.



PHUONG TRINH PUONG THANG
PHUONG TRINH THAM SO CUA PUONG THANG.

x=2-4¢

. Trong cac diém sau, diém nao thudc
y=-5+3t

Cau 1. Trong mit phang Oxy, cho dudng thing d :{

duong thang d ?
A. A(-4;3). B. B(2;3). C. C(-4;-5). D. D(-6;1).
Huwéng din giai

= Ae¢d.

W|oo | W

=
Thay toa d0 A4(—4;3) vao hé phuong trinh cia d ta dugc
=
=

0

Thay toa d§0 B(2;3) vao hé phuong trinh cua d ta dugc §=>Begd.
t=—

3

3
t==

Thay toa d0 C(—4;—5) vao h¢ phuong trinh cia d ta dugc 2=>Ced.
t=0

Il
[\ORE )

t
Thay toa d0 D(—6;1) vao hé phuong trinh ciia d ta dugc {t =>Ded.
Cau2. Cho duong thing d:3x+5y—15=0. Phuong trinh nao sau diy khong phai 1a mot phuwong

trinh khac cua d ?

A2y 2on B. y:—§x+3.

5 5

=t -5_=

C.{x (reR). p. " . 3t,(te]R).

y=3

y:
Huéng din giai

Chon C.

x=t=y =3—%t #5. Vay { (reR) khong phai 1a phuong trinh tham s6 cua dudng

y=5
thang d .

Cau 3. Hoi ménh dé nao sau day dung? Puong thing d:x—2y+5=0
A. qua diém A(1;-2).

x=t

=2 (teR).

3 .
B. y= —§x+ 3.c6 phuong trinh tham so {

C. c6 hé sb goc k:%'

D.cit d':x—2y=0.
Huéng din giai



Cau 4.

Cau 5.

Cau 6.

Ménh dé A sai vi toa d6 diém 4 khong nghiém ding phuong trinh

x=t
Ménh dé B sai vi d c6 phuong trinh tham s 5 1 (teR).
y=—+—=t
2 2

Ménh & C dang vi y=%x+§ c6 hé s6 goc k:E'

Cho hai diém A(4;0),B (0;5). Phuong trinh nao sau day khong phai 1a phuong trinh cua
duong thing AB?

x=4-4¢ -
A. (teR). B.Z+2<-1, c. Xty D. y=—2x+15.
y=5t 45 4 5 4

Huéng din giai

D@ thdy toa do diém B(0;5) khong nghiém dung phuong trinh y = —%x +15.

Cho ba diém di dong A(1—2m;4m),B(2m;1—m),C(3m—l;O). Goi G la trong tam AABC thi

G nam trén duong thang nao sau day:

1 1
A. y:x—g. B. y=x-1. C. y=x+§. D. y=x+1.
Huwéng din giai
XGZxA+x3B+xC o
G latrong tam tam giac ABC = G':
G:yA+yB+yC=m+_
3 3

1 ,, 1
Vay y; = x, +§ = G nim trén duong thing y = x+§

Cho tam giac ABC co6 A(—2;3),B(l; —2),C(—5;4). Puong trung tuyén AM c6 phuong trinh

tham sd:
x=2 x=-2-4¢ x=-2t x=-2
A. B. C. D.
y=3-2t. y=3-2t. y=-243t y=3-2t.
Huéng din giai
x= 1= =-2
M 1a trung diém cua BC = ; A = M (-2;1)= AM =(0;-2)
-2+
= :1
Y
Phuong trinh tham s6 cua duong thang AM 1a { - ; 2t(t € R)
y=5-



Cau 7.

Cau 8.

Cau 9.

Cau 10.

x=2-3¢

Cho duong thing d c6 phuong trinh tham s6 {
y=—14+2¢

(reR) va diem A(%;—ZJ. Piém

A ed Gng voi gia tri nao cua ¢?

Ar=2. B.i=1. C.r=——. D. =2,
2 2 2 2
Hwéng din giai
1
7 t=——
—=2-3t
A Z;— ed <12 = 2:>t=—l
2 1 2

—2=-1+2¢ t=——
2

Phuong trinh tham s6 clia duong thang d qua diém M (-2;3) va vudng goc véi dudng thing
d:3x—4y+1=0 la:

x=-2+4¢ x=-2+3t
A. (teR). B. (teR).
y=3+3t y=3-4t
x=-2+3t x=5+4¢
C. (te]R). D. (teR).
y=3+4t y=6-3t
Huwéng din giai
DLD' nén D cbvécto chi phuong a =(3;-4).
. x=-2+3t
Vay D c6 phuong trinh tham so 1a: 34 (teR)
y=5-

Cho dudng thing d qua diém M (1;3) va c6 vecto chi phuong a =(1;-2). Phuong trinh nao
sau day khong phai la phuong trinh cua d ?

x=1-t -1 -
A. (te]R). .x—=y—3. C.2x+y-5=0. D. y=-2x-5.
y=3+2t -1 2

Hwéng din giai
u=(1;-1) 1a vecto chi phuong a =(-1;2) ciing la vecto chi phuong. Pudng thang D ¢6

phuong trinh tham s6:

x=1-t - -
(reR)= oY= oty 5-0= y=—2x+5.
y=3+2 -1 2

x=2+3t
y=5-4¢
A. (53). B. (2;5). C. (-1,9). D. (8;-3).

Huwéng din giai

Cho d: { (teR). Diém nao sau day khong thudc d?



Cau 11.

Cau 12.

Cau 13.

Thé toa do (5;3) vao phuong trinh tham $6:

s=243 |11 S

= 1 <t €= khong c6 t nao théa man.
3=5-4¢ t=—
2

x=1-2¢

y=-3+5¢

A M 2;—H . B. M O;l . C. M O;—l . D. M —1;0 .
2 2 2 2

Huwéng din giai

Giao diém M cua duong thiang d : { (t € ]R) va duong thang d':3x—2y—-1=0 la:

clx=1-2¢
Thé vao phuong trinh cua D':3(1-2¢)-2(-3+5¢)-1=0,
y=-3+5¢

=0 1
Taco: t=+—= 1 :M(O;——j.
2 y=—— 2
2
Cho tam gidc ABC. Biét M (1;1),N(5;5),P(2;4) lan luot la trung diém cia BC,CA, AB . Cau

nao sau day dung?

x=1+¢ x=2+t

A. (MN): R). B. (A4B): R).

)" ) (8):{ "3 e

x=1+3t x=5+2¢

C. (BC): R). D. (CA): R

(50771 ¥ em) CORN

Huwéng din giai
Chon D. A
MN =(4;4), NP = (-3;-1)=—(3:1), MP = (13).
MP =(1;3) 1a vécto chi phuong cta dudng thing C4 b J
. x=5+t A
nén (CA):{y=5+3t’ (teR). B i C
. x=-3+5t .
Cho duong thang A:{ _~ va cac diem M (32; 50),N(-28; 22), P(17;-14), O(-3;-2).
y=2-
Cac diém nim trén A la:
A.Chi P B.N vaP
C.N, P, QO D. Khéng ¢ diém nao
Huéng din giai

Chon B.

Lan luot thé toa do M, N, P, QO vao phuong trinh duong th'fmg, théa man thi nhan .

, 17=-3+5t ([r=4
Thé P(17;-14):

& St=4=PeA
—14=2-4¢ t=4
, —28=-3+5¢ t=-5
Theé N(-28; 22): = St=-5=>NeA
22 =2-4¢ t=-5



Cau 14.

Cau 15.

Cau 16.

Cau 17.

Thé 0(-3:-2) -3=-3+5¢ t=0 OgA
e 0(-3;-2): & =
—2=2-4 t=1
. | x==2t+1 .
Duong thang A c6 phuong trinh tham so0 342 Phuong trinh tong quat cia A la:
y=ot+

A3x+2y+7=0 B.3x-2y+7=0 C.3x-2y-7=0 D.3x+2y-7=0
Huwéng din giai

Chon D.

Khir ¢ & phuwong trinh tham s ,ta ¢ phuong trinh tong quét ciia A 1a: 3x+2y+7=0

Cho duong thang d : x+2y—2 =0 va cac hé phuong trinh sau

x=4t (1): x=—2—2t(H). X = 2+2t(HD
y=1-2t" " y=2+t ’ =t '

Hé phuong trinh nao 1a phuong trinh tham s6 ctia dudng thing d ?
A. Chi (I). B. Chi (II). C. Chi (II). D.(I) va (II).
Hwéng din giai
Chon D.
Khtr # & phuong trinh tham s6 (I), (II) ta c6 phuong trinh tong quat ctia d la: x+2y—-2=0
Céch 2
Tir phuong trinh dudng thing d suy ra mot vtpt co toa do (1;2) suy ra dco6 mot vicp la
(2;-1) suy ra (1IT) khong la phuong trinh tham s6 ciia dudng thang d
Nhan thdy dudng thang c6 phuong trinh (I) di qua diém c6 toa do (0;1) (théa man phuong
trinhd ) va c6 vtcp (4; —2) suy ra (I) 1a phuong trinh tham s6 cua duong thing d
Nhan thiy duong thang c6 phuong trinh (I) di qua diém c6 toa do (—2;2) (théa méan phuong

trinhd ) va c6 vtcp (—2;1) suy ra (I) 1a phuong trinh tham s6 cua dudng thing d

Cho duong thang A:2x—3y+7 =0 va cac hé phuong trinh sau
=1+2¢ =4+3¢ =7-9t
) (1); ¥ (Ir); ¥ (1).
y=3-3¢ y=5-2t y=T-6t
Hoi hé phuong trinh nao khéng 13 phuong trinh tham s cia A ?
A. Chi (). B. Chi (I) va (II). C. Chi (I) va (IID). D. Chi (II) va (III).
Hwéng din giai
Chon D.

Khir ¢ & phuong trinh tham s6 (I), (IIT) ta ¢ phuong trinh tong quat ciia Ala: 2x—3y+7 =0
Khir ¢ & phuong trinh tham s6 (I), (IIT) ta ¢c6 phuong trinh 13 2x+3y—23=0
Cho hinh binh hanh ABCD, biét A(-2;1) va phuong trinh dudng thang CD 1a 3x -4y -5=0
. Phuong trinh tham s cia duong thang AB 1a:

x=-2+3t x=-2-4¢ x=-2-3¢ x=-2-3¢
A. . B. . C. . D. .

y=-2-2t y=1-3¢ y=1-4t y=1+4¢

Hwéng din giai

Chon B.



Cau 18.

Cau 19.

Cau 20.

Cau 21.

Vi ABCD 1a hinh binh hanh nén AB//CD do d6 ABdi qua A(-2;1) va nhan vtpt cua CD la

(3; —4) lam vtpt. Suy ra dudng thing 4B c6 vtcp (—4; —3) nén phuong trinh tham sb cua

. x=-2-4¢
duong thang AB la .
y=1-3¢
Cho dudng thang A c¢6 phwong trinh chinh tic XTH = ;22 . Trong céac hé phuong trinh dugc li¢t
ké & mdi phuong an A, B, C, D dudi ddy, hé phuong ndo 1a phuong trinh tham ciia dudng thang A
?
x=3t+1 x=-3t+1 x=-3t-1 x=-3t+1
A. . B. . C. . D. .
y=1-4t y=2t+1 y=2t+2 y=2t-2
Hwéng din giai
Chon C.
1 -2 1 -2 x=-3t-1
Tur phuong trinh Y <:>x+ P SN .
3 -2 -3 2 y=2t+2
Phuong trinh tham s cia dudng thang qua M (—2; 3) va song song véi duong thang
x=7 _y+ 5 A
-1 5
x=-2-t x=5-2t x=—t x=3+5¢
A. B. C. D.
Hwéng din giai
Chon A.
| . Xx=T7 y+5 \ \ 2 A A . .
Tur phuong trinh 7 = s suy ra vtep la (—1; 5) . Puong thang can viét phuong trinh di qua
 |lx=-2-t
M (-2;3)va c6 vtep 1a (—1;5) nén c6 phuong trinh tham s6 .
y=3+5¢
Phuong trinh tham sb ctia dudng thang d di qua A(3;—6) va cé vecto chi phuong u= (4;,-2) la:
x=3+2¢ x=142t x=—6+4¢t x=-2+4¢
A. B. C. D.
y=—6-t y=-2—t y=3-2¢ y=1-2t
Huéng din giai
Chon A.
Puong thang d vtcp 1a (4; —2) suy ra cé vtep la (2; —l) . Puong thang can viét phuong trinh di
Clx=3+2t
qua A(3;—6)va vtcp la (2; —1) nén c6 phuong trinh tham so6 6t
y=-6-
Cho A(1;5), B(-2;1),C(3;4). Phuong trinh tham s6 ciia AB va BC lan luot 1a:
=-243¢ S =R x=14+3¢ x=-2-5¢
A.AB: ; BC: . B. AB: ;BC: .
y=1+4t y=1+3¢ y=5+4¢ y=1+3t
x=1-3¢ x=-2+5t x=1-3¢ x=-2+5t
C.A4B: ; BC: . D.AB: ; : .
y=5+4¢ y=1+3t y=5-4¢ y=1-3¢t



Cau 22.

Cau 23.

Cau 24.

Huéng din giai
Chon A.
Taco: BA=(34), BC=(53) .

AB qua B(-2;1) c6 vecto chi phuong 1 BA =(3;4) nén c6 phuong trinh tham s la:

(45):{

BC qua B(=2;1) co vecto chi phuong la BC =(5;3) nén c6 phuong trinh tham s 1a:

(50

x=-2+3t
y=1+4¢

x=-2+5¢
y=1+3t

Cho 2 diém 4(-1;3), B(3;1). Phuong trinh nao sau day la phuong trinh tham sb cua dudng
thang AB ?
x=-1+2t x=-1-2¢ x=3+2t¢ x=3-2¢
A. . B. . C. . D. .
y=3+t y=3—-t y=1+t y=1+t
Huéng din giai.
Chon D.
Tacod: BA= (—4;2) .

AB qua B (3; 1) c6 vecto chi phuong la %B’Z = (—2;1) nén c6 phuong trinh tham s 1a:

x=3-2¢
AB: .
y=1+t
, =4cos’t+3 ,
Mot diém M di dong co toa do: Y= eos . Tap hop nhiing diém M la:
y=cos2t+1
A. Poan thing c6 do dai 1a4 B. Doan thing c6 do dai 1a 24/5
C. Poan thang c6 d6 dai 1a2 D. Hai nira duong thang.
Huéng din giai.
Chon B.

Goi M (x,5,), taco

{x0=4coszt+3 {xo=4coszt—2+5 {x0=2cos2t+5 x°_5=cos2t
< < <y 2

Y, =cos2t+1 YV, =cos2t+1 Vo —1=cos2t

v, —l=cos2t

Vi —1<co0s2¢ <1 nén ta co:

—ISXO_S

<1=3<x, <7 = x, chay trén m6t doan c6 do dai bﬁng 4
-1<y,-1<1=0<x,<2 = y,chay trén mot doan c6 do dai br?mg 2
Khi d6 M (x,;,) chay trén mot doan c6 do dai~/2* +4? =24/5.

Tim toa d0 vecto chi phuong clia dudng thang di qua 4(-3;2) va B(L;4) la
A. (-1;2). B. (2:1). C. (-2;6). D. (L;1).



Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Chon B.

Duong thing AB ¢6 VTCP AB=(4;2)=2(2;1).

Tim toa d vecto chi phuong ciia dudng thang song song truc Ox .

A. (L,0). B. (0;-1). C. (-1,0). D. (L1).
Huwéng din giai:

Chon A.

Puong thiang song song véi Ox nén vecto chi phuong 1a vecto don vi ctia truc Ox : i= (1; O) .

Tim toa d6 vecto chi phuong ciia dudng thang song song truc Oy .

A. (0;1). B. (0;-1) C. (1,0) D. (1;1)
Hwéng din gidi:

Chon A.

Puong thiang song song v&i Ox nén vecto chi phuong 1a vecto don vi cta truc Oy : } = (0;1) .

Tim toa do vecto chi phuong ciia dudng phan giac goc phan tu thir nhit.
A. (L1). B. (0;-1). C. (1,0). D. (-1;1).
Hwéng din gidi:
Chon A.
Chon M (1;1) ndm trén duong phan gidc ciia géc phén tu thi nhat. Vay vecto chi phuong cua
dudng phan gidc goc phan tu thi nhat 1a OM = (1;1).
Néu d 1a duong thang vudng goc voi A:3x—2y+1=0 thi toa d6 vecto chi phuong ciia d 1a.
A (2;3). B. (-2;-3). C. (2-3). D. (6;-4).
Hwéng din giai:
Chon D.
Ta ¢6 vecto phap tuyén ctia dudng thang A 1a n, =(3;-2).
Puong thing d vudng goc v6i A = vecto chi phuong cua d 1a u, =k (3;-2). Vi
k=2=u,=(6;-4).
x=1+2¢

y=3-1 (teR).

Diém nao nam trén dudng thang A: {
A A(2-1). B.B(-7;0). C.C(3:5). D.D(3; 2).
Huwéng din giai:

Chon D.

Ta ch: {x:l+2t®{x:l+2(3—y)

=x+2y-7=0.
y=3-t t=3-y

Thay lan lugt toa d0 ctia cdc diém 4,B,C, D thay chi c6 D(3;2) thoa man.



, x=3-5¢t .
Cau 30. Duong thang d : { L+ 4 c6 phuong trinh tong quat la:
y=1+

A. 4x+5y—17=0. B.4x—5y+17=0. C.4x+5y+17=0. D. 4x-5y-17=0.

Hwéng din gidi:

Chon A
-1
 (x=3-5 x—3—5.—4
Ta co: = =4x+5y-17=0.
y=1+4¢ _y-1
4
. x=3+¢ ,
Cau 31. Duong thang d: 5_3 cO phuong trinh tong quat la:
y=--
A.3x+y—-4=0. B. 3x+y+4=0. C. x-3y—-4=0. D. x+3y+12=0.
Hwéng din giai:
Chon A.
. [x=3+1 t=x-3
Ta co: = =3x+y-4=0.
y=-5-3t y=-5-3(x-3)

Cau 32. Viét phuong trinh tham s6 ctia duong thang qua 4 (2;—1) va B (2;5) .

x=2 x=2t x=2+t x=1
A. . B. ) C. ) D. )
y=—1+6t y=—6t y=5+6t y=2+0t

Huéng din giai

Chon a.
AB=(0;6)
, S x=2
Phuong trinh duong thang di qua 4(2;—1) c6 véc to chi phuong 4B =(0;6) 1a { e 6r
y=-l+

Cau 33. Viét phuong trinh tham s cua dudng thang qua 4(3;-1) va B(L5).

x=3+¢ x=3—-t¢ == x=1-t
A. . B. . C. . D. .
y=—1+3¢ y=—1-3¢ y=—1+3¢ y=5-3t
Hudéng din giai
Chon C.
AB = (-2;6)
Phuong trinh dudng thang c6 véc to chi phuong u =(~2;6) chi ¢ dap an C
Thay toa diém A4, B vao phuong trinh duong thing ¢ dap 4an C thoa.
Vay dap an ding la C'.
Céch khac:
AB =(~2;6), chon véc to chi phuong clia dudng thang di qua hai diém 4, B 1a u= (-1;3)



Cau 34.

Cau 35.

Cau 36.

Phuong trinh tham s ctia dudng thang qua A(3;-1) cé véc to chi phuong U= (—1;3) la:

x=3-t¢
y=—1+3¢
Phuong trinh tham s cia duong thang qua B (1; 5) c6 véc to chi phuong U= (—1;3) la:
x=1-t
y=54+3t
Viét phuong trinh tham s6 ciia dudng thang qua A(3; —7) va B (l; —7) :
x=t x=t x=3—-¢ x=t
A. . B. . C. . D. .
W=l y==-T-t y=1-7¢ y="T
Huéng din giai
Chon A.
AB = (-2;0)

Phuong trinh dudng thing ¢6 véc to chi phuong u = (—2;0) chicodap an A va D

Thay toa diém A, B vao phuong trinh duong thing & dap an A va D ta thiy dap A thoa.
Vay dap an ding la A4.

Céch khac:

AB =(~2;0), chon véc to chi phuong ciia dudng thang di qua hai diém 4, B 1a u =(1;0)

Phuong trinh tham s6 cua duong thiang qua A(3; —7) c6 véc to chi phuong u =(1;0) 1a:

x=t
y=-1

Phuong trinh tham s ctia duong thang qua B (1; —7) c6 véc to chi phuong u =(1;0) la:

x=1+t¢
y=-1
Phuong trinh nao dudi day khong 1a phuong trinh tham sé ctia duong thing di qua O va

M(1;-3)2

x=1-¢ x=1+t¢ x=1-2¢ xX=—t
A. . B. . C. . D. .
y =3t y=-3-3¢ y=-3+6t y =3t
Huwéng din giai
Chon A.

Trong 4 phuong trinh tham s trén ta d& thiy duong thiang ¢ dap an A4 khéng di qua diém O
hodc diém M

Viét phuong trinh tham sé cia duong thing qua O va song song voi duong thang:
3x-4y+1=0.

x =4t x =-3¢ x =3t x=4¢
A. . B. ) C. ) D. )
y =3t yv=4¢ y =4t y=1+3¢

Hudéng din giai



Cau 37.

Cau 38.

Cau 39.

Puong thang song song véi dudng thang: 3x—4y+1=0 thi c6 véc to phap tuyén
n= (3;—4) = ¢0 véc to chi phuong U= (4;3)
. , - x =4t
Phuong trinh tham s6 ctia duong thang qua O ¢6 véc to chi phuong u = (4;3) la: 3
y =23t

Vay dap an ding la 4.

Viét phuong trinh tham s cua duong thang qua A(—l; 2) va song song v&i dudng thing:
3x-13y+1=0.
x=—-1+13¢ x=1+13¢ x=1-13¢ x=1+3t
A. . B. . C. . D. .
y=2+3t y=-2+3t y=2+3t y=2-13¢
Hudéng din giai
Chon A.
Puong thang song song véi dudng thang: 3x—13y +1=0 thi c6 véc to phap tuyén
n= (3;—13) = ¢0 véc to chi phuong U= (13;3)

Phuong trinh tham s ciia duong thang qua A (—1; 2) ¢ véc to chi phuong U= (13; 3) la:

x=—-1+13¢
y=2+3t
Cach khac:

Puong thang song song véi 3x —13y +1=0 nén c6 thé chon A, B
Do duong thang di qua diém A nén chi c6 thé chon dap an 4
Viét phuong trinh tham sb cta duong thing qua A(—I;Z) va vudng goc véi dudng thing:
2x—y+4=0.
N {x:—l+2t. B.{ x=t c {x=—1+21' b {x:1+2t'
y=2-t y=44+2t y=2+t y=2-t
Huéng din giai
Chon A.
Puong thang vudng goc v6i duong thang: 2x — y+4 = 0 thi ¢6 véc to chi phuong U= (2; —1)
Phuong trinh tham s6 ciia duong thang qua A(—l; 2) ¢ véc to chi phuong U= (2; —1) la:

x=—1+2t
y=2-t

x=3-2¢

y=1+3¢

A.3x+2y+6=0. B. 2x+3y+17=0.C.3x+2y-6=0. D.3x-2y+6=0.
Huéng din giai

Viét phuong trinh dudng thang qua A(4; —3) va song song véi duong thang {

Chon C.



x=3-2t

thi c6 véc to chi phuong U= (—2;3) =
y=1+3¢

Puong thang song song voi duong thang: {
¢6 véc to phap tuyén n= (3; 2)
. . . . , x=3-2t .
Phuong trinh duong thang song song vdi duong thang: 143 c6 phuong trinh dang:
y=1+53t
3x+2y+c=0

Thay toa d6 diém A(4; —3) vao phuong trinh 3x+2y+c¢=0 tacd: c=-6

x=3-5t
?
y=1+4¢
A. 4x+5y+17=0. B. 4x-5y+17=0. C. 4x+5y-17=0. D. 4x-5y—-17=0.
Hudéng din giai

Cau 40. Phuong trinh nio sau day 1a phuong trinh téng quét ctia duong thang d : {

Chon C.
Duodng thang d di qua diém M (3;1) vaco vicp i =(=5;4), vipt i =(4;5)
Vay phuong trinh téng quat cia duong thang d :4x+5y—-17=0.

, . x=15
Cau 41. Phuong trinh nao sau day la phuong trinh tong quat ciia duong thang d :{ 647¢ ?
y=0+
A. x—-15=0. B. x+15=0. C. 6x—-15y=0. D. x-y-9=0.

Huéng din giai
Chon A.
Duodng thing d di qua diém M (15;6) vacé vicp i =(0;7), chon vipt i =(1;0)
Vay phuong trinh tong quét ciia duong thing d :x—15=0.
Cau 42. Phuong trinh nio sau day 1a phuong trinh tham s6 ctia duong thing d : 2x—6y+23=0 ?
x=0,5+3¢ x=5-3¢ x=5+3¢ x=-5+3¢
A. . B. : C. : D. .
y=55+t y=55-t y=55+t
Huwéng din giai

y=4+t

Chon A.

Duong théng d cO vipt n =(2;—6) , chon vicp ﬁ:(3;1) va di qua diém M(%AJ

1

7 2 =—++ 3t
Vay phuong trinh tham so ctia duong thang d : * 2

y=4+t

Ciu 43. Phuong trinh ndo sau day 13 phuong trinh tham sé cua duong thang d : %—% =17?
x=5+7t x=5+5¢ x=5+5¢ x=5-Tt
A. . B. . C. . D. .
y=>5t y==7t y="Tt y=>5t

Hudéng din giai
Chon C.

Puong thang d ¢o vipt 7 :(%;_71), chon vicp i =(5;7) va di qua diém M (5;0)



x=5+5¢

Vay phuong trinh tham sé cua duong thang d : { -
y =

Ciu 44. Cho dudng thang d: x+2y—2=0 va cac phuong trinh sau:

x=4t x=-2-2¢ x=2+2¢
I: II: III:
y=1-2t y=2+t y=t
Phuong trinh nao 14 phuong trinh tham s6 cia d ?
A.Chi L. B. Chi II. C. Chi IIL D.Ivall

Hudéng din giai
Chon D.
Duodng thang d c6 vipt 7i=(1;2)

x=4t _ . »
I: { -2 co vicp U, =(4;—2) va di qua diém M(—2;2)ed
y=1=

x=-2-2t _ ) ,
II: - co vicp uzz(—2;1) va di qua diém N(—Z;Z)ed
y=2+

x=2+2t
111

y=t
Vay I va II thoa yéu cau.

co vicp i, =(2;1) vadi qua diem Q(-2;2)ed

Cau45. Cho hinh binh hanh ABCD biét A(-2;1) va phuong trinh dudng thing chta CD la:
3x—4y—5=0. Phuong trinh tham sb ctia canh 4B 1a

x=-2+3t x=-2-4¢ x=-2-3¢ x=-2-3¢
A. . B. 1 C. . D. .
y=-2-2t y=1-3t y=1-4¢ y=1+4¢
Huwéng din giai
Chon B.
AB//ICD nén AB ¢ vipt ii=(3;-4), vicp i = —3) vadi qua diém A(-2;1).

(4
{x——z 4t

Vay phuong trinh tham sé cua duong thang 4B :

Cau 46. Duong thiang d ¢ phuong trinh chinh tic x*l = yT—2 . Phuong trinh nao sau day la phuong

trinh tham so caa d ?

x=1+3t¢ x=1-3¢t pd= x=3t+1
A. . B. . C. . D. .
y=1-4¢ y=2t-2 y=t+2 y=—t+2
Huéng din giai
Chon C.
Puong thang d ¢o vicp ii =(—3;1) va di qua diém M(—I;Z)
x=-3t-1

Vay phuong trinh tham s cua duong thang d :{ "
y=i+



Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Phuong trinh tham s cuoa duong thing qua M (—2;3) va song song v&i duong thing

x—7:y+5 A
-1 5
x=-2-t x=5-2¢ xX=—t x=3+5¢
A. . B. . C. . D. .
y=3+5t¢ y=-1+3¢ y=5¢ y=-2-¢
Huéng din giai
Chon A.

Puong thang x_—17= y;rS c6 vicp i =(-1;5)

Dudng thang can tim c6 vicp i =(—1;5) va di qua diém M (—2;3)nén c6 phuong trinh tham

, x=-2—t
solad: )
y=3+5t

Cho hai diém 4(-1;3), B(3;1). Phuong trinh nao sau ddy 14 phuong trinh tham sé ctia dudng
thing AB
x=-14+2¢ x=-1-2¢ x=3+2t x==1-2¢
A. . B. . C. . D. 1
y=3+t y=3-t y=-1+¢ y=3+t
Huéng din giai
Chon D.
Duong thing AB di qua diém A4(-1;3) vaco vicp AB=(4;-2)
x=-1-2¢t

Vay phuong trinh tham sé cua duong thang 4B : { 341
y=>+

. x=12-5¢ . . .
Cho duong thang d : { 346t biém nao sau day nam trén duong thang ?
y=>5+
A. (-13;33). B. (20;9). C. (7;5). D. (12;0).
Huéng din giai
Chon A.
, x=1-t¢ » . ,
Cho duong thang d :{ B . biém nao sau day nam trén duong thang ?
A. (1;2). B. (1;0) . C. (-1;4) . D. (%lj
Huwéng din giai
Chon B.
i , x=1-2¢ i
Cho diém A4(0;1) va duong thangd : , . Tim mo{t diém M trén d va cach 4 mdot khoang
y =
bang J10.
A.(V2:3). B.(-3;2). C.(3;2). D.(3;-2).

Huéng din giai



Cau 52.

Cau 53.

Cau 54.

Cau 55.

Chon B.
t=2:>M(—3;2)
Med=M1-20):MA=10:(1-2)" +(t-1)’ =10 = 57 —6t -8 =0 = 4 [13 4)

t=——>=>M ;
5 55

Viét phuong trinh tham s6 ciia duong thang di qua 2 diém A(3 ;—7) va B( ;—7).

x=t x=t x=t x=3-Tt
A. . B. . C. . D. .

y=17 y==T—t y==1 y=1-7t

Huéng din giai
Chon C.
AB = (—2;0)=-2(1;0) nén chon u =(1;0) 1a 1 VTCP cua AB va AB di qua B(l ;-7) nén
 lx=1+1"=t
AB ¢6 phuong trinh tham s6 { . .
y==

Cich 2: vi 4, B déu c6 tung d6 bang —7 nén chung nam trén duong thang y =—7.

Viét phuong trinh tham s6 ciia dudng thang di qua hai diem A(3;-1) va B(L;5).
x=3+¢ x=3-¢ x=1-t x=3+¢

A. . B. . C. . D. .
y=—1-3 y=—1-3 y=5-3 po—1+3

Huéng din giai

Chon A.
C6 AB=(-2;6)=-2(1;-3)
. ) -~ x=3+t
Phuong trinh tham s6 cua AB di qua A(3;—1) vaco VICP u = (l; —3) la { { 3t’t eR
y=—1-

Tim toa d0 vecto chi phuong clia dudng thang di qua hai diem A(-3;2) va B(L;4)
A. u=(21). B. u=(-12). C. u=(-2;6). D. u=(11).
Hudéng din giai

Chon A.
Co AB=(4;2)=2(21)
VTCP ciia duong thing 4B 1a u=(2;1).

Puong thang di qua diém M (1;2) va vuong goc vdi vecto 7 =(2;3) 6 phuong trinh chinh tic

la:
A.x_+1=y_—|—2. B.x_—lzy_—2. C.x_—lzy_—Q. D..x_—l—lzy_—l—2.
-3 2 2 3 3 -2 2 3
Huéng din giai
Chon C.
VTPT n=(2;3) = VTCP u=(3;-2)
x-1 y-=-2

Phuong trinh chinh tic di qua M (1;2) va c6 VTCP u =(3;-2) la A



Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

. x=12-5¢t . .
Cho duong thang A: { . biém nao sau day nam trén A?
y=3+6¢t

A. (12;0). B. (7;5). C. (20;9). D. (-13;33).

Hudéng din giai
Chon D.
Tur phuong trinh ta rat dugc 125_ * = yT_3 (*)

Thay toa d6 diém vao phuong trinh (¥), toa d6 nao thoa thi nam trén dudng thang.

Cho duong thang A: { . Viét phuong trinh téng quat ciia A.
y=6+T7Tt

A.x+15=0. B. 6x-15y=0. C. x-15=0. D. x-y-9=0.
Huwéng din giai

Chon C.

Pudng thing c6 vtep U= (0;7) nén co vtpt n= (1;0).

Puong thang Adi qua diém (15;6) nén c6 pttq: x—15=0

x=3-5t ,

. Viét phuong trinh tong quat cua A .
y=1+4t
A. 4x+5y—-17=0. B. 4x+5y+17=0. C.4x-5y—-17=0. D.4x-5y+17=0.

Cho duong thing A: {

Huwéng din giai
Chon A.
Puong thang A di qua M (3;1) c6 vecto chi phuong z?(S; —4) nén A cé vecto phap tuyén la

n(4;5). Phuong trinh A 1a 4(x-3)+5(y-1)=0< 4x+5y-17=0.

Viét phuong trinh tham sb ctia dudng thang di qua diém O(O; O) va song song voi dudng thing
A:3x—-4y+1=0.

x=4t x=-3t x=3t x =4t
A. . B. C. D.
y=1+3t y=4t y=-4t y=3t
Huwéng din giai
Chon D.

+ Thay toa d6 diém O vao phuong trinh dudng thing A thdy khong thoa mén.

+ Do hai duong thing song song nén duong thang can tim nhan LTz (4;3) lam vecto chi phuong.

. , . x=4¢

Phuong trinh tham s6 cua dudng thing can tim { 3
y =
. . | x=5+¢ .
Cho duong thang d c6 phuong trinh tham so 9_2" Phuong trinh tong quét cia dudong
y=-=

thang d 1a
A. x+2y-2=0. B. x+2y+2=0. C.2x+y+1=0. D. 2x+y—-1=0.

Huwéng din giai:
Chon D.



Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

d di qua diém (5-9) co VIPT la n=k(2;1), k=0
Nén c6 phuong trinh 1a 2x+y—-1=0

Viét phuong trinh tham s6 ctia duong thang di qua hai diém 4 (3; —1) , B (—6; 2) .

x=3+3t x=3+3t x=3+3¢ x=—-1+3t
A. . B. . C. . D. .
y=-1+¢ y=-1-¢ y=-6-t y=2t
Huéng din giai:
Chon B.
Puong thiang di qua A(3;—1), B(—6;2) ¢6 VICP 1a u = k(—9;3), k#0.
Tim toa d§ vecto chi phuong cia dudong phan giac cua géc xOy .
A. (0;1). B. (1;0). C. (;-1). D. (L;1).

Huéng din giai:
Chon D.
Dudng phan gide géc xOy di qua 0(0;0), A(1;1) nén c6 vécto chi phuong 1a u =(1;1)

=1 la:

Phuong trinh tham s ciia duong thang (A) :

x=5+5¢ x=5+5¢ x=5-T7t x=5+7t
A. . B. 1 C. . D. .
y==7t y="Tt y=>5t y=>5t

Huéng din giai:

W | =
<<

Chon B.
Goi M (a;0) la diém thudc A.

Ta co: %—g=l:>a=5:>A(5;O) .

Tacod A c6 vecto phap tuyén 1a n = (é, —%) nén c6 vecto chi phuong 1a u =(5;7).

x=5+5¢

Phuong trinh tham sé cua A 1a: (A) :{ s
y =

, x=3-5¢ . .
Cho duong thang (A) : { 1 Viét phuong trinh tong quat cia A.
y =
A. x+y—-17=0. B. y-14=0. C. y+14=0. D.x-3=0.
Huéng din giai:
Chon B.
A c6 vecto chi phuong 1a u =(=5;0) = A c6 vecto phap tuyén 1a n=(0;1).

Ta co: A(3;14) € A = phuong trinh tong quat cia A 1a (A) :y—14=0.

Viét phuong trinh tham s6 ctia dudng thang (D) di qua diém A(-1;2) va song song véi dudng
thing (A):5x-13y-31=0.

x=1-13¢ x=1+13¢ x=—-1+13¢ x=1+5¢
A. : B. : C. (D): . D. :
y=-2+5t y=-2+5t y=2+5t¢ y=-2-13t



Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Huéng din giai:
Chon C.
A c6 vecto phap tuyén 1a n=(5;-13).
DE A = D c6 vecto phap tuyén la n=(5-13) = D c6 vecto chi phuong la u = (13;5).
x=—1+13¢

Phuong trinh tham sé cta (D): {
y=2+5t

Phuong trinh nao dudi day khong phai 1a phuong trinh tham sb cta duong thang di qua hai
diém 0(0;0) va M (1;-3).

x=1-2t x=1+¢ x=1-¢ xX=—t
A. B. C. . D.
y=-3+6¢ y=-3-3t y=3t y =3t
Huéng din giai:

Chon C.

Puong thang di qua diém 0(0;0) (hodc M (1;—3) )va nhan OM = (1;-3) (hoac MO = (-L3))
lam VTCP

Tim toa d0 vecto chi phuong clia dudng thang di qua goc toa do va diém M (a;b).

A. (0;a+D). B. (a;b). C. (a;-b). D. (-a;b).
Hwéng din giai

0(0;0), M (a;p) = OM =(a;b)

Viét phuong trinh tham s6 ctia dudng thang di qua 2 diem A4(2;-1) va B(2;5).

{x=2 {x=2t {x=2+t {le
A. B. C. D. .
y=—1+¢ y=—6t y=5+6t y=2+0t

Huéng din giai

Chon A.

Taco: AB(0;6)=u,, =(0;1)

Puong thang 4B di qua diém A(2;-1) vanhan u.s lam vtcp. Phuong trinh dudng thing

x=2
AB: { .
y=-1+t
. B x=3+1-+/3 . . . . .
Cho duong thang A: . Biém nao sau day khong nam trén A?
y=- 2+1++/2¢
A. (12+3:2). B. (1-+/3;1++/2).
C. (1;1). D. (1++/3;1-2).

Hwéng din giai
Chon A.
Viét phuong trinh tham s6 ctia dudng thang di qua 2 diém A4(3;0) va B(0;-5).
x=3+3t x=3+3t x=3+3t x=3+3t
A. . B. C. D.
y=—5-5 y=5

y=-5t y=-5+5t



Hwéng din giai
Chon D.
Tacé BA=(3;5). Duong thing AB di qua diém A(3;0) va co vtecp BA=(3;5), phuong trinh
x=3+3t

duong thang 4B 1a: {
y=>5t

Cau 71. Mot dudng thang ¢ bao nhiéu vecto chi phuong ?
Al B. 2. C. 3. D. Vo s6
Hwéng din giai

Céu 72. Phuong trinh tham s6 ciia dudng thang A:2x—6y +23=0 la:

x=-5+3¢ x=5-3¢ x=5+3¢ x=0,5+3
A. —H+t . B. —1—1+t' C. —H—t' yed+t 1
Y 2 Y 2 Y 2

Huéng din giai
Chon D.
x=0,5+3¢

A:covipt n=(2;-6)= vicp u=(3;1) vaqua M (0,54) suyra A co ptts { i
y=

Cau 73. Tim toa do vecto chi phuong cta dudng thing song song vai truc Ox.
A.(0;-1). B.(1; 1). C.(0;1). D.(1;0).
Huéng din giai
Chon D.
Céau 74. Tim toa d¢ vecto chi phuong cua dudng thing di qua 2 diém phan biét 4(a ; 0)va B(0; b).
A.(a ;-b) B.(b; a) C.(a; b) D. (-b ; a).
Hwéng din giai
Chon A.
Duong thing di qua 2 diém phan biét A(a ; 0)va B(0 ; b)cd vecto chi phuong 1a
BA= (a; —b) .

Cau 75. Viét phuong trinh tham s6 cua duong thang (D) di qua diém A(-1; 2) va vudng goc voi
duong thang A:2x—y+4=0.
x=-1+2¢ x=-1+2¢ x=1+2t x=t
A. B. C. . D.
y=2+t y=2-t y=2-t y=4+-2t
Huéng din giai
Chon B.
(D) di qua diém A(-1; 2) va vudng goc véi dudng thing A:2x—y+4=0 nén (D) vecto
chi phuong la (2;-1)

x=-1+2¢

Phuong trinh tham s6 ciia duong thang (D) : { 5
y=2a=



Cau 76.

Cau 77.

Cau 78.

Cau 79.

x=2+2t L .
Cho d:{ 341 (teR). Tim diém M trén d cach A(O;l) mot doan bang 5.
y:
A M(§;&j B. M1(4;4),M2(ﬁ;£j
373 575
24 2 24 2
C M1(4’4)’M2(_?;_§j D. Ml(—4;—4),M2 (?,gj
Huwéng din giai
Chon C.
M (2+2t;3+t)eD.
t=1= M, (44)
AM =55 (2042) +(142) =25 252 +121-17=0 & 17 ( 24 2).
t=—— | -—-=
5 575

PHUONG TRINH TONG QUAT CUA PUONG THANG.
Cho phuong trinh: Ax+By+C =0 (1) v6i 4>+ B> >0. Ménh dé nao sau déy sai?
A. (1) 1a phuong trinh t6ng quat ciua duong thang co vecto phéap tuyén la n= (A;B )
B. A=0 thi duong thang (1) song song hay tring véi x'Ox.
C. B=0 thi duong thang (1) song song hay trung voi y'Oy.
D. Diém M, (x,;,) thudc dudng thang (1) khi va chi khi 4x, + By, +C =0.

Huéng din giai

M, (x,;,) nam trén duong thang khi va chi khi Ax,+ By, +C=0.

Ménh dé nao sau day sai?

Puong thang d duge xac dinh khi biét:

A. Mot vecto phap tuyén hodc mot vecto chi phuong.

B. Hé s goc va mot diém.

C. Mot diém thudc d va biét d song song v6i mot duong thang cho trudc.
D. Hai diém phan biét cua d .

Biét vecto phap tuyén hodc vecto chi phuong thi duong thang chua xac dinh (thiéu mot diém

Huéng din giai

ma duong thang di qua).

Cho tam giac ABC . Hoi ménh dé nao sau day sai?

A. BC 1a mt vecto phap tuyén ctua duong cao AH.

B. BC la mot vecto chi phuong cia dudng thang BC.

C. Cac duong thang 4B, BC,CA déu co hé sb goc.

D. DBuong trung truc cua AB c6 AB 14 vecto phap tuyén.
Huéng din giai



Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Sai. Vi néu co6 mot trong ba duong thang 4B, BC,CA song song hay tring véi y'Oy thi khong
c6 hé sb goc.

Cho duong thing d c6 vecto phap tuyén 1a n = (4;B).

Ménh dé nao sau day sai ?

A. Vecto u, = (B;—A) 1a vecto chi phuong cua d.

B. Vecto LZ = ( la vecto chi phuong cua d.

C. Vecto n' = (k4; kB) v6i ke R ciing 1a vecto phap tuyén cua d.
k

D. d c6 hé sd goc la __E (néu B#0).
Huéng din giai

n= (kA; kB) khong thé 1a vecto phap tuyén ciia d khi k=0.

Cho duong thang d:2x+3y—4=0. Vecto nao sau day 1a vecto phap tuyén ciia d ?
A. 1 =(3;2). B. 1, =(—4;-6). C. n,=(2-3). D. n, =(-2;3).
Huwéng din giai

Mot vecto phap tuyén cua d 1a n = (2;3) nén vecto —2n= (—4;-6) 1a vecto phap tuyén cta d .

Cho duong thang d :3x—7y+15=0. Ménh dé nio sau day sai?
A u= (7;3) 1a vecto chi phuong cua d. B. d c6hésbd goc k= %
C. d khéng qua gbc toa do. D. d diqua 2 diém M(—%;2) va N(S;O).

Hwéng din giai

Cho y=0=3x+15=0=x=-5. Viy d qua N(-50).

Cho dudng thang d:x—2y+1=0. Néu duong thang A qua diém M (1;—1) va A song song

v6i d thi A c6 phuong trinh:

A. x-2y-3=0. B. x-2y+5=0. C.x-2y+3=0. D. x+2y+1=0.
Huéng din giai

D ¢6 véc to phap tuyén 1a ;1:(1;—2).

d qua M(l;—l) va d//D nén d : 1(x—1)—2(y+1)=0<:>x—2y—3:0.

Cho ba diém A(l;—2),B(5;—4),C(—l;4). Puong cao A4’ cia tam giac ABC c6 phuong trinh:
A. 3x—4y+8=0. B. 3x-4y-11=0. C. -6x+8y+11=0. D.8x+6y+13=0.
Huéng dan giai



Cau 85.

Cau 86.

Cau 87.

Cau 88.

AA' L BC, §5=(—6;8)=—2(3;—4), nén duong cao A4’ c6 phuong trinh

3(x—1)—4(y+2):0<:>3x—4y—11:0

Puong thang A:3x—2y—7=0 cat duong thang nio sau day?

A. d; :3x+2y=0. B. d,:3x-2y=0.

C.d,:3x+2y-7=0. D. d,:6x—4y—-14=0.
Huéng din giai

Chon A.

3 -2 .
A:3x-2y-T7T=0 vad :3x+2y=0 co §¢7:>A cat d,.

Puong thang d :4x—3y+5=0. Mot duong thang A di qua gdc toa d va vudng goc véi d co
phuong trinh:
A. 4x+3y=0. B. 3x—-4y=0. C.3x+4y=0. D. 4x-3y=0.

Huwéng din giai
A vudng goc v6i d nén A c6 vecto phép tuyén 7i =(3;4) va A qua O nén c6 phuong trinh
3x+4y=0(c=0).
Cho ba diém A(-4;1),B(2;-7),C(5-6) va duong thang d :3x+y+11=0. Quan hé gitta d
va tam giac ABC la:

A. duodng cao Ve tu A. B. duong cao vé tr B.
C. trung tuyén vé& tir 4. D. phan giac goc BAC.

Huwéng din giai
Nhan xét: Toa do cia 4 1a nghiém ding phuong trinh cua d va vecto BC = (3;1) 1a vecto
phap tuyén cta d . Do d6 d 1a duong thing chira dudng cao ciia tam giac ABC, vé tir A.
Goi H la truc tdm tam gidc ABC, phuong trinh cua cac canh va dudng cao tam giac la:
AB:Tx—y+4=0;BH :2x+y—-4=0;AH : x—y—-2=0.
Phuong trinh dudong cao CH cua tam giac ABC la:
A. Tx+y-2=0. B. 7x-y=0. C.x-7y-2=0. D. x+7y-2=0.
Huéng din giai
CH1AB ma AB:7x—y+4=0 nén CH c¢6 phuong trinh 1(x—x,)+7(y—y,)=0

2x+y—-4=0 {x:
=

1(x=x,)+7(y—y,)=0 trong d6 x,,y, la nghiém cta hé:{
x-y-2=0
H(2;0).

Vay 1(x=2)+7(y-0)=0< x+7y-2=0.
Ghi cha: C6 thé doan nhanh két qua nay nhu sau: Puong cao CH L AB nén CH c6 vecto
phap tuyén n= (1;7). Vay chi chon (D).



Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cho tam gidc ABC c6 A(-1;3),B(-2;0),C(5;1). Phuong trinh dudng cao v& tir B la:

A. x=T7y+2=0. B.3x-y+6=0. C. x+3y-8=0. D. 3x—y+12=0.
Hwéng din giai

Dudng cao v& tir B(-2;0) c6 vécto phap tuyén 1a AC = (6;-2) hay %ﬁ =(3;—-1).nénco

phuong trinh la: 3(x+2)—y =0 hay 3xy+6=0.

Cho tam giac ABC c6 A(—1;3),B(—2;0),C(5;1). Tryc tAm H cua tam gidc ABC c6 toa do

la:

A. (3-1). B. (-1;3). C. (1;-3). D. (-1;-3).
Hwéng din giai

Chon B.

AB =(~1,-3),4C =(6;-2) nén AB.AC =0=> AABC vuong tai 4,do dé truc tim H = 4
Vay H(—l;3)
Phuong trinh duong thang di qua 2 diém A4(-2;4) va B(-6;1) la:

A. 3x+4y-10=0. B.3x—4y+22=0. C.3x-4y+8=0.  D.3x-4y-22=0..
Huwéng din giai

) P s DR NI S
642 1-4

Phuong trinh duong thang qua M (5;—3) va cat 2 truc x'Ox, y'Oy tai 2 diém 4 va B sao cho

M 14 trung diém cta AB la:
A. 3x-5y-30=0. B. 3x+5y-30=0. C.5x-3y-34=0. D.3x+5y+30=0.
Huwéng din giai

M : trung diém cta AB:>£+%:1 . Puong thang nay qua diém M(2;—3) nén g—%zl. Ta
a a
2 3
a=b:>——Z=1:>a=—1:>x+y+1=O
co: |a|=|b|<:> a 3

a=-b=>—+—=1=2a=5=>x-y-5=0
a

Ghi cha: C6 thé giai nhanh nhu sau: AOAB vudng can nén canh AB song song v&i phan giac
goc phén tu tha I, hoac II. Do do, n= (l;l) , hay (l; —1) . Nhu thé kha nang chon la mot trong

hai cau (A) hoiac (B ) Thay toa do diém M vao, loai dugc (B ) va chon (A)

Viét phuong trinh dudng thang qua M (2;—3) va cat hai truc Ox,0y tai 4 va B sao cho tam
giac OAB vuong can.

+y+1=0 +y-1=0
A. [x 4 B. {x 4

. C.x+y+1=0. D. x+y+5=0..
x—y-5=0

x-y-5=0



Cau 94.

Cau 95.

Cau 96.

Cau 97.

Huwéng din giai

7 7 2
Phuong trinh dudng thang AB:£+%=1. Duong thang nay di qua M (2;-3) nén——%=1. Ta
a a
2 3
a=b=>———=1=2a=-1=2x+y+1=0
a a

co.: |a| = |b| =

a=-b=>—+—=1=2a=5=>x-y-5=0
a a

Ghi chu c6 thé giai nhanh nhu sau: AOAB vudng nén canh 4B song song véi phan gidc cia
gbdc phan tu thi nhét hodc th hai. Do don = (L,1), hay n = (1;—1). Nhu thé, kha ndng chon mot
trong hai cau A hoac B. Thay toa d0 M vao loai dugc dap an B va chon dép an A.
Cho A(—2;3),B (4;—1). Viét phuong trinh trung truc doan A4B.
A. x+y+1=0. B. 2x-3y+1=0. C. 2x+3y-5=0. D. 3x-2y—-1=0.
Huéng din giai
AB =(6;-4)=2(3;-2). Trung truc cia AB co véc to phap tuyén lan = (3;-2) va di qua
M (1;1) nén c6 phuong trinh: 3(x—1)-2(y—-1)=0<3x-2y-1=0.
Phuong trinh ndo sau day biéu dién duong thing khong song song véi dudng thing
d:y=2x-1?
A. 2x—y+5=0. B. 2x—y-5=0. C. 2x+y=0. D. 2x+y-5=0.
Huwéng din giai
-1

(d):y=2x—1<:>2x—y—1:O va duong thang 2x+ y—5 =0 khong song song vi %iT

Hai duong thang d:mx+y=m+l;d, x+my=2 cit nhau khi va chi khi:
A. m#2. B. m #t1. C.m=#1. D. m=#-1.
Huéng din giai

, m 1
D, catDza‘l 20 m’ —120c m==+l.
m

Hai duong thang d, :mx+y=m+1; d, : x+my =2 song song khi va chi khi:
A. m=2. B. m=+=l. C. m=-1. D. m=1.
Huwéng din giai

D,/ID, @m:iim—ﬂ.
1 m 2

Khi m=1 ta co: l=l=g:>DlzD2.
11 2

Khi m=-1 taco: _T1=i1¢g:>Dl//D2.



Cau 98. Hai duong théng d :4x+3y-18=0;d,:3x+5y-19=0 cit nhau tai diém c6 toa do:
A. (3;2). B. (-3;2). C. (3-2). D. (-3;-2).
Huéng din giai

o . 4x+3y-18=0 x=3
Giai h¢ phuong trinh ta dugc

3x+5y—-19=0 y=2
Cau 99. Gia sir duong thang d co6 hé s goc k va di qua diém A(—l;7). Khoang céch tir gbc toa do O
dén d bang 5 thi k bang:
A.k:i hoac k:i B.k:i hoac k=——
4 3 4

C.k=—i hoac k=i. D.k=—E hodc kz—i
4 3 4 3
Huwéng din giai

Phuong trinh duong thang D 1a: y—7:k(x+1)<:>kx—y+7+k:0

d(O,D)=5©M=5<:>k2+14k+49=25k2+25

VK2 +1

& 24k% —14k —24 = 0<:>k—§hyk=—%.
Ciu 100. Khoang cach tir diém M( ) dén duong thang A:3x—4y—1=0 bang:
A2 B2 2 b8
5 5 5 5
Huéng din giai
33-4(-4)-1
a(v,a) =P34 2

JF 45
Céu 101. Tim trén y'Oy nhiing diém cich d :3x—4y—1=0 mot doan bang 2.

A.M(O;%) N(O —%] B. M (0;9) va N(0;—11).

(et e

Hwéng din giai

Léy diém M (0;y) e y'Oy.

y=2:>M 0;2

|3.O—4y—1|_2<:> 4 4

J9+16 11 ( 11)
=7 =M

dM,d)=2<

0;——
4

Ciu 102. Nhimng diém M ed :2x+ y—1=0 ma khoang cich dén d':3x+4y—10=0 bang 2 c6 toa do:



A.(31). B. (1;5).

C. —E;ﬂj va [i,—zj D. (E,—ﬂj va (—i,éj
5°5 5 5 55 5°5

Huwéng din giai

Léy diém M (x,;1-2x,)e D,

2<:>|3x0+4(1—2x0)—10|

2
d(M,d)= Nt =25 (5x,+6) =100
oA 3 (i._éj
0S5 TN ETS 55
16 37 16 37\
==Y = M| ———
=Ty T ( 5 5)

Cau 103. Tim diém M trén truc x’Ox cach déu hai duong thang:
d:x=2y+3=0;d,:2x+y-1=0.

A.M (40) va M, (—%;0}. B. M,(4;0) va M,(-4;0).

0)-

C. M,(40). D. M,(4,0) va M{

(USH )

Huéng din giai

Lay diém M(x;O) ex'Ox.
|x+3| B |2x—1|
'\/g B ‘\/g

[x+3=2x—1 x=4

d(M.D,)=d(M,.D,) =

&
x+3=-2x+1 X=——=
A 1 s 4R 2
Vay c6 hai diem M, (4;0),M, (_E;Oj'

Cau 104. Tinh goc giita hai duong thang: d:5x+y—-3=0;d,:5x—y+7=0.
A.45°. B. 76°13". C. 62°32'. D. 22°37".
Huwéng dan giai
Chon D.
cos(D, D) = [5.5+1(-1)| 12
V254142541 13
Cau 105. Tim phuong trinh cidc dudng phan gidc ciia goc tao bdi truc hoanh va duong thing
d:4x-3y+13=0.
A.2x+y-13=0va 2x—y—-13=0. B. 2x+y+13=0 va 2x-y+13=0.
C.4x-8y+13=0 va 4x+2y+13=0. D. 4x+8y+13=0 va 4x—-2y+13=0.
Huéng din giai

= (D,D")~22°37'



Phuong trinh cac dudng phan giac cia goc tao boi hai duong thang
4x-3y+13 —yva 4x-3y+13
V16+9 V16+9

hay: 4x—8y+13=0 va 4x+2y+13=0.

d:4x-3y+13=0va y=0 la:

Ciu 106. Viét phuong trinh duong thang d di qua A(—2;0) va tao voi duong thing d:x+3y—3=0
mot goc 45°.
A. 2x—y+4=0va x+2y+2=0.
B. 2x+y+4=0va x-2y+2=0.
C. (6+5\/§)x+3y+2<6+5\/§):0 va (6—5\/§)x+3y+2(6—5\/§):0.
D.2x—y+4=0va x+2y+2=0.
Huéng din giai

Chon B.
Phuong trinh dudng thing D c6 dang: A(x+ 2) + By =0.
. A+3B
Theo gia thiét, ta co: cos(D,d )= # =cos45’ = Q, hay:
JA* + B A10 2
=2=>A4=2,B=1

24> -34B-2B* =0 <

SSRGSV N

LR S
2

Vay: D:2x+y+4=0 hoac D:x-2y+2=0.

Cau 107. Cho A4BC voi A(4; —3),B(1;1),C(—1;—%). Phan giac trong cta goc B c¢6 phuong trinh:

A. Tx-y—-6=0. B. 7x+y—-6=0. C.7x—y+6=0. D. 7x+y+6=0.
Huéng din giai
Goi [ la chan duong phan gidc trong géc B, ta co:
C4+2(-1) 2
74 1-4) +(1+3)’ I+2 3
IC BC 2 Y _3+2(_j
(1+1) +(1+) y=—2=_i
2 3 3
Phén giac trong 13 duong thiang qua B, I nén c6 phuong trinh:
1
Tyl
R < Tx-y—-6=0.
2 4
I-— 1+
3 3
Cau 108. Phan giac cua géc nhon tao boi 2 duong thang d,:3x+4y—5=0 va d,:5x—12y+3=0 co
phuong trinh:
A. 8x—-8y—-1=0. B. 7x+56y—-40=0. C. 64x-8y—-53=0. D. 7x+56y+40=0.

Hwéng din giai



D, c6 vecto phap tuyén n, =(3;4), D, co vecto phap tuyén n, =(5;-12).

Do do nTn—2 =15-48=-33<0. Vay phuong trinh phan giac géc nhon tao bé1 D, va D, la:

3x+4y—-5 S5x-12y+3
5 13

< Tx+56y—-40=0.

Cau 109. Cho ba diem A(-6;3),B(0;—1),C(3;2). Piem M trén duong thing d:2x—y+3=0 ma
|]T/[Z+Z\7§+]T/[6| nho nhat 1a:
M(E,Ej B. M(é,ﬂj C. M(E,ﬂ) D. M(—E,BJ
15715 15715 15715 15715
Huwéng din giai
Chon D.
M(x;y)eD:>M(x;2x+3). Suy ra: m:(—x—6;—2x),
MB =(-x;-2x~4), MC =(-x+3;-2x~1). Do dé:
MA+MB +MC =(-3x-3;-6x-5)

[0+ MB + MC| = \|(3x+3) +(6x+5)° =452 +78x+34

13
15
19
15

X =
[MA + MB+ MC| nho nhit < f (x) = 45x" +78x+34 nho nhit <

y

Ghi chii. Giai chach khac: MA+ MB +MC =3MG nén:
|m +MB + MC| nho nhit < |]\TG| nho nhét.

Ma G(—l;gj, M (x;2x+3) nén ta co:

2
|M—G|:MG= (x+1)2+(2x+§j nhénhét:>x=—£:>y=£:>M(—£;£]
3 15 15 1515

Céu 110. Cho duong thang d :(m + 2)x+(1— m)y+ 2m+1=0. Hoi ménh d& nao sau day dung?

Acd cohésd goc k="2 ymeR. B. d ludn di qua diem M (-1;1).
m —_—
C. d ludn qua hai diém cb dinh. D. d khong c6 diém c6 dinh nao.

Huwéng din giai
Khi m=1, D:x=-1: khong c6 k. Thé toa d6 cia M(—l;l) vao phuong trinh duong thang D
ta co: (m+2)(—1)+(1—m).1+2m+1=0<:> Om+0=0, diéu nay ding véi moi m € R. Vay
M (-1;1) 1a diém c6 dinh cta D.
Cau 111. Cho ba duong thing d, :x+y-1=0,d, : ~mx+y+m=0,d, : 2x+my—2=0. Héi ménh dé nao

sau day dang?
L. Diém A(1;0)ed,. 1. d, ludn qua diem A(1;0). 11L. d,,d,,d, dong quy.



A.ChiL B. Chi II. C. Chi III. D.Cal, 11, 1L
Hwéng din giai

Toa d6 diém A4 nghiém dung ca 3 phuong trinh cho nén L, II va III déu dung.
Céu 112. Cho dudng thing d : x+ y—3 =0 chia mit phdng thanh hai mién, va ba diém A(1;J§ ) : B(1;J§ ) :

C (0; \/10) . Hoi diém nao trong 3 diém trén nam cing mién voi gbc toa d6 O?

A.Chi B. B. Chi B va C. C. Chi A. D. Chi 4 va C.
Huéng din giai

Chon C.

bat f(x;y)=x+y—3.

Taco:  f(0;0)=-3<0; f(1:3)=1+43-3=3-2<0;
( f) J5-2>0; f(o;JE):JE—bo

Vay diém 4 (1; NE) ) cliing mién véi goc toa dd O.

Cau 113. Cho tam gidc ABC véi A(3;2),B(—6;3),C(0;—1). Hoi duong thing d:2x—y-3=0 cit

canh nao cua tam giac?

A.canh ACva BC. B. canh A4Bva AC.
C. canh 4ABva BC. D. Khong cit canh nao ca.
Huwéng din giai
bat f(x;y)=2x-y-3. Taco:
( 2)=6—2—3:1>0;f(—6;3):—12—3—3<0;f(0;—1):—1—3<O;

£(3;2) va f(~6;3) tréi ddunén D cit canh AB.
Tuong ty, f(3;2) va f(0;—1) trai ddu nén D cét canh AC.
Céu 114. Phuong trinh tong quat cua duong thing di qua hai diém A(-2;4), B(1;0) 1a
A.4x+3y+4=0. B.4x+3y—-4=0. C.4x-3y+4=0. D.4x-3y—-4=0.
Huéng din giai:
x-1 y-0
Tacd AB= (3;—4) nén phuong trinh dudng thang 4B la 3 = e < 4x+3y-4=0
Cau 115. Phuong trinh duong trung tryc cua doan 4B voi1 A(1;5), B(-3;2) 1a
A.6x+8y+13=0. B.8x+6y+13=0. C.8x+6y—-13=0. D.-8x+6y—-13=0.
Huwéng din giai:

Taco M (—l;%j 1a trung diém doan 4B va BA = (4;3) la vecto phép tuyén cta dudng trung

truc doan AB .



Cau 116.

Cau 117.

Cau 118.

Cau 119.

Cau 120.

Cau 121.

Vay phuong trinh duong thang can tim 1a: 4(x+1)+3(y—%} =0=8x+6y-13=0.

Phuong trinh duong thing A qua A(—3;4) va vudng goc véi duong thing d :3x+4y—12=0

la

A.3x-4y+24=0. B.4x-3y+24=0. C.3x—4y-24=0. D.4x-3y—-24=0.
Huwéng din giai:

Chon A.

Phuong trinh dudng thang can tim 14 al ;— 3 = yT_4 & 3x—-4y+24=0.

Phuong trinh dudng thang di qua N(1;2) va song song v6i dudng thang 2x+3y—12=0 la

A.2x+3y—-8=0. B.2x+3y+8=0. C.4x+6y+1=0. D.2x-3y-8=0.
Hudng dan gidi:

Chon A.

Phuong trinh dudng thing can tim 1a 2(x—1)+3(y—-2)=0< 2x+3y—-8=0.

Phuong trinh dudng théng cit hai truc toa do tai A(-2;0)va B(0;3) la

A%-%:l. B.3x—2y-6=0.  C.2x+3y—-6=0.  D.3x-2y+6=0.
Huéng din giai:

Chon D.

Phuong trinh doan chan 14 i+§:14:) 3x-2y+6=0.

Phuong trinh dudng thangd qua M (1;4) va chin trén hai tryc toa d6 nhitng doan bang nhau I3

A.x-y+3=0. B.x—y-3=0. C.x+y-5=0. D.x+y+5=0.
Huéng din giai:

Chon C.

Do M (1;4) thudc goc phan tu thir Nhat nén dudong thang can tim song song vdi dudong thang

(d, ,):y=—x,vay dudng thang can tim c6 phuong trinh —(x—1)=y—4 < x+y—-5=0.

Cho tam gidc ABC co6 A(2;0), B(0;3), C(=3;1). Puong thing qua B va song song v&i AC cb

phuong trinh 1a

A.5x—y+3=0. B.5x+y—-3=0. C.x+5y-15=0. D.x-5y+15=0.
Huéng din giai:

Chon C.

Ta cod A—C":(—S;l), vay phuong trinh dudng thang can tim 1a x=0 :yT_3<:>x+5y—15:0.

Tam gidc ABC c6 dinh A(—1;-3). Phuong trinh duong cao BB':5x+3y—25=0. Toa d6 dinh
C la
A.C(0;4). B. C(0;-4). C.C(4;0). D.C(-4;0).

Huéng din giai:

Chon C.



Cau 122.

Cau 123.

la

Cau 124.

Cau 125.

Cau 126.

Puong thing AC c6 phuong trinh 13 xTH=yTJr3<:>3x—5y—l2=O. Do 3.(4)-5.(0)-12=0

nén toa do diém can tim 1a C(4;0).

Tam giac ABC c6 dinh A(—1;-3). Phuong trinh duong cao BB':5x+3y—-25=0, phuong
trinh duong cao CC':3x+8y—12=0.Toa do dinh B la
A. B(5;2). B. B(2;5). C. B(5;-2). D. B(2;-5).

Huéng din giai:
Chon B.
Puong thang 4B c6 phuong trinh 8(x+1)—-3(y+3)=0<8x—-3y—1=0 nén toa do diém
8x—-3y=1 {x =2

=

B(x;y) la nghiém cua hé phuong trinh .
() 8 P 8 {5x+3y:25 y=35

Cho tam giac ABC véi A(1;1), B(0;—2), C(4;2) . Phuong trinh tong quat ciia duong trung tuyén

qua A cuatam giac ABC la

A.2x+y-3=0. B.x+y-2=0. C.x+2y-3=0. D.x-y+2=0.
Huéng din giai:

Chon B.

Ta c6 M(2;0) la trung diém doan BC. Do AM = (1;—1) nén phuong trinh duong thing AM

xT_lzy—_llcnhLy—Z:O.

Cho A(-2;5),B(2;3). Puong thiang d :x—4y+4=0 cit AB taiM . Toa d6 diém M 1la:
A.(4-2) B.(—4;2) C.(42) D.(2;4)
Huéng din giai:
Chon C.
Viét phuong trinh duong thang di qua 2 diém A4 va B: diém di qua A(—2; 5) , vecto chi
phuong AB =(4;-2) = vecto phap tuyén n=(2; 4)
AB:2(x+2)+4(y—5)=0c> 2x+4y-16=0
Goi M latoa do giao diém cua 2 dudng théng AB va duong théng d.Toadd M thoa man hé

x-4y+4=0 x-4y=-4 x=4
= = = M (4;2)
2x+4y-16=0 2x+4y =16 y=2

Cho tam gidc ABC co6 A(2;6), B(0;3),C(4;0) . Phuong trinh duong cao AH cua AABC la:

A.4x-3y+10=0 B.3x+4y-30=0 C.4x-3y-10=0 D.3x-4y+18=0
Huéng dan giai:

Chon A.

Viét phuong trinh dudng thang duong cao AH : diém di qua A(2; 6) = vecto phap tuyén

n=(4-3) AH :4(x-2)-3(y-6)=0<4x-3y+10=0

Viét phuong trinh duong thing qua giao diém cia hai duong thing 2x—y+5=0 va

3x+2y-3=0 vadi qua diém A(-3;-2)



Cau 127.

Céu 128.

A5x+2y+11=0 B.x—y-3=0 C.5x-2y+11=0 D.2x-5y+11=0
Hudng dan gidi:
Chon C. q q
Goi B latga do giao di€m cua 2 duong thang. Toa d0 B thoa man hé
2x—y+5= 2x—y=— =-1
{3)):+;y—53=00©{3i+;y=§®{;:3 :B(_I;S)
Viét phuong trinh dudng thing di qua 2 diém 4 va B: diém di qua A(-3;-2), vecto chi
phuong 4B =(2;5) = vecto phap tuyén n =(5;-2)
AB:S(x+3)—2(y+2):0<:>5x—2y+11=0

Cho hai duong th'fmga’l :x+y—-1=0,d,:x-3y+3=0. Phuong trinh duong thang d ddi xtng
vo1 d, qua dudng thang d, la:
A.x-7y+1=0 B.x+7y+1=0 C.7x+y+1=0 D.7x—y+1=0
Huéng dan giai:
Chon D.
Giao di€ém cua d, va d, la nghiém cua h¢
x+y-1=0 x+y=1 x=0
{x—;}y+3=0®{x—;}y=—3©{y=1jA(O;l)
Lay M (1;0)ed,. Tim M' déi ximg M qua d,
Viét phuong trinh dudng thang A di qua M va vudng goc voi d,: A:3x+y-3=0

Goi H 1a giao diém cua A va duong th'fmg d,. Toa do H 1a nghiém cua hé

3
3x+y-3=0 (3x+y=3 3
d = Y & 5:>H é,é
x=3y+3=0 x=3y=-3 6 55
y=§

Ta c6 H 14 trung diém cua MM '. Tir 46 suy ra toa do M '(lgj
Viét phuong trinh dudng thing d di qua 2 diém A va M ': diém di qua A(0;1), vecto chi

phuong AM '= (%%) = vecto phap tuyén n = (g,_%)

d:%(x—O)—%(y—l)zO@7x—y+l=0

Cho hai duong thang d:2x—y+3=0 va A:x+3y—2=0. Phuong trinh dudng thang d"' ddi

xung voi d qua A la:

A.llx+13y-2=0 B.1lx-2y+13=0 C.13x-11y+2=0 D.11x+2y-13=0
Huéng din giai:

Chon B.

Giao diém cua d va A la nghiém cua hé

2x-y+3=0 2x—-y=-3 x=-1
= = = A(-1;1)
x+3y-2=0 x+3y=2 y=1



Lay M (0;3)ed.Tim M' déiximg M qua A

Viét phuong trinh duong thang A' di qua M va vudng goc voi A: A':3x—y+3=0

Goi H lagiao diém cua A' va duong théng A.Toadd H langhiém cua hé

7
x+3y-2=0 [x+3y=2 0 ( 7 9)
St = =>H| —;—
3x-y+3=0 3x—y=-3 9 10 10
y=—
10
. \ .2 , N R 7 6

Tacd H latrung diém ctia MM '. Tur d6 suy ra toa do M' —g;—g

Viét phuong trinh dudng thang d' di qua 2 diém 4 va M ': diém di qua A(-1;1), vecto chi

phuong AM'= E,E = vecto phép tuyén n= E;—g

55 5 5
11 2

d':?(x+1)—g(y—1):O<:>11x—2y+13:O
Cau 129. Cho 3 duong thang d,:3x—2y+5=0, d,:2x+4y—-7=0, d,:3x+4y—1=0. Phuong trinh

duong thing d di qua giao diém cia d, va d, vasongsong voi d; la:

A.24x+32y-73=0 B.24x+32y+73=0 C.24x-32y+73=0 D.24x-32y-73=0

Huéng din giai:

Chon B.
17
3x-2y+5=0 |"T g
Giao diém cta d, va d, 1a nghiém cita hé {2x+4y_7:o© Lo
16

Phuong trinh tong quat ctia dudng thang d di qua diém A(_T”,_l—zlj han n, = (3;4) lam

véc to phap tuyén cé dang: 3(x+%)+4(y+%j:0 < 24x+32y+73=0.
Ciu 130. Cho ba dudng thang: d2x-5y+3=0,d,:x-3y-7=0,A:4x+y—-1=0. Phuong trinh
duong thing d qua giao diém cua d, va d, va vudng goc voi A la:
A.x—4y+24=0 B.x+4y-24=0 C.x+4y+24=0 D.x-4y-24=0
Huéng din giai:
Chon D.
2x-5y+3=0 x=-44
=
x-3y-7=0 y=-17

Vid LA nénu, =n, =(41)=n, =(1;-4).

Giao di€ém cua d, va d, la nghiém cua h¢ {

Phuong trinh tong quét cta duong thing d di qua diém A4(—44;-17) nhan n, =(1;-4) lam
véc to phap tuyén c6 dang: 1(x+44)—4(y+17)=0 < x—4y-24=0.

Cau 131. Vi gia tri ndo cua m thi ba dudng thang sau déng quy ?
d :3x-4y+15=0, d, :5x+2y—-1=0, d,:mx—-4y+15=0.



Cau 132.

Céu 133.

Ciu 134.

Cau 135.

A.m=-5 B.m=5 C.m=3 D.m=-3
Huéng din giai:
Chon C.
3x-4y+15=0 x=-1
Giao diém cua d, va d, 1la nghiém cta hé 5x+2y—-1=0 < y=3

Vay d, cit d, tai A(-1;3)
Dé ba duong thang d,,d,,d, dong quy thi d, phai di qua diém 4 = A thoéa phuong trinh d,
=-m—-43+15=0=>m=3.
Cho 3 dudng thang d, :2x+y—1=0, d,:x+2y+1=0, d, :mx—y—7=0. Dé ba dudng thang
nay dong qui thi gia tri thich hop cta m 1a:
A.m=-6 B.m=6 C.m=-5 D.m=5

Huwéng din giai:

Chon B.

. .2 , \ \ o o [2x+y-1=0 x=1
Giao di€ém cua d, va d, la nghiém cua h¢ =

x+2y+1=0 y=-1

Vay d, cit d, tai A(1;-1)

Dé 3 duong thang d,,d,,d, dong quy thi d, phai di qua diém 4 = 4 thoa phuong trinh d,

=>m+1-7T=0=>m=6.

Viét phuong trinh tong quat cta dudng thang di qua diém O(0 ; 0) va song song véi duong

thang c6 phuong trinh 6x—4y+1=0.

A.4x+6y=0 B.3x—y-1=0 C.3x-2y=0 D. 6x—4y—-1=0.
Huéng din giai

Chon C.

Puong thang di qua M (xo;yo) va song song véi duong thang d :ax+by+c=0 co dang:

a(x—x0)+b(y—y0) =0 (—ax, - by, #0)

Nén duong thing di qua diém O(O ; 0) va song song v6i duong thang c6 phuong trinh
6x—4y +1 =0la3x-2y=0
Tim toa d vecto phap tuyén cia duong thing di qua 2 diém A4(-3 ; 2) va B (1 ; 4)
A.(4;2) B.(1; 2) C.(-1;2) D. (2 ;-1).

Hwéng din giai
Chon C.
Puong thing di qua 2 diém A(-3 ; 2) va B(1; 4) ¢6 vecto chi phuong 1a 4B =(4;2)suy ra
toa d6 vecto phap tuyén 1a (-1 ; 2)
Dudng thang di qua A(—1; 2) , nhan n = (2;-4) lam vécto phap tuyén c6 phuong trinh la:

A.x-2y-4=0. B.x+y+4=0.
C.—x+2y-4=0. D. x-2y+5=0.



Céu 136.

Cau 137.

Ciu 138.

Cau 139.

Céu 140.

Hwéng din giai
Chon D.

Puong thiang di qua A(—l; 2) ,nhan 7 = (2;-4) lam vécto phap tuyén cé phuong trinh la:

2(x+1)—4(y—2)=0<:>x—2y+5:O .

Viét phuong trinh tong quat ctia dudng thang di qua diém 7(—1;2) va vudng gée véi dudng
thang c6 phuong trinh 2x— y+4=0.

A. —x+2y-5=0. B. x+2y-3=0.

C.x+2y=0. D. x-2y+5=0.

Huéng din giai
Chon B.
Puong thiang can 1ap di qua diém I(—l; 2) va co vipt n(1;2).
Phuong trinh dudng thing can lap 1a: x+2y—3=0

Cho AABC ¢6 A(2;-1),B(4;5),C(=3;2). Viét phuong trinh tong quat ctia duong cao BH .
A. 3x+5y-37=0. B. 3x-5y-13=0.
C. 5x-3y-5=0. D. 3x+5y+20=0.

Huéng din giai
Chon C.
Duong cao BH di qua diém B(4;5) vanhan AC =(-5;3) 1am vtpt. Phuong trinh dudng cao

BH la: —5(x—4)+3(y—5)=0<:>5x—3y—5:0

Viét phuong trinh téng quat clia duong thang di qua diém M (ﬁ ;1) va vudng goc voi duong
thang c6 phuong trinh (\/§+ Dx+ (x/z—l)y =0

A. —x+(3+242)y -2 =0. B. (1-v2)x+(2 +1)y+1-242 =0.

C. 1-2)x+( 2 +1)y+1=0. D. —x+(3+2v2)y-3-+/2=0.

Huéng din giai
Chon B.
Puong thang can 1ap di qua diém M (\/E ;l) va nhan ua = (1 22+ 1) lam vtpt. Phuong
trinh dudng thang can lap la:

(1-V2)(x=V2)+(V2+1) (y-1) =0 & (1-2 ) x + (V2 +1) y+1-242 =0

Viét phuong trinh tong quat cua dudng thing di qua 2 diem A(2;-1) va B(2;5).
A. x+y—-1=0. B. x-2=0. C.2x-7y+9=0. D. x+2=0.
Huéng din giai
Chon B.
Puong thing 4B di qua diém A4(2;-1) va ¢6 vipt nus = (1;0). Phuong trinh duong thing 4B
la: 1(x—2)+0(y+1):0<:> x-2=0.

Viét phuong trinh tong quat ctia duong thang di qua 2 diém A4 (O; —5) va B (3; 0)



Cau 141.

Céu 142.

Cau 143.

Cau 144.

Cau 145.

A XX B. - 2+2 =1 c. XY ) SR
5 3 5 3 3 5 5 3
Huéng din giai
Chon C.

Do A e Oy, B € Ox. Phuong trinh dudng thing 4B 1a: %—% =1.

Mot duong thang c6 bao nhiéu vecto phap tuyén ?
Al B.2 C.3 D.V
Huwéng din giai

(@)
2]
O~

Chon D.
Cho 2 diém A(1;—4),B(3;—4). Viét phuong trinh tong quat dudng trung truc ctia doan thing AB
A. x+y-2=0. B. y-4=0. C. y+4=0. D. x-2=0.

Huéng din giai
Chon D.

Goi [ latrung diém cua 4B, suyra [/ (2; —4) .
Ta co: ZE(2;O).

Puong thing d di qua diém 7 vanhin 4B lam vtpt. Phuong trinh d :x—2=0.

Tim vecto phap tuyén cua duong thing d di qua gbc toa dd O va diém M (a;b) (v6i a, b#0
).
A. (1,0). B. (—a;b). C. (b;—a). D.(a;b).
Huéng din giai:
Chon C.

Tim toa 30 OM = (a;b) 1a VTCP cua d . VTPT va VTCP cua d vudng gbc nhau.

Suy ra VTPT ciia d : cau C (14t nguoc d6i 1 dau)

Tim vecto phép tuyén ctia duong phan giac ctia goc xOy .

A. (1;0). B. (0;1). C. (-L1;0). D. (1;1).

Huéng din giai:

Chon C.

Phuong trinh dudng phan giac cua goc xOy: y=x hay x—y=0

Viét phuong trinh tong quat cua dudng thang A di qua diém M (1;1) va song song véi dudng

thang c6 phuong trinh d : (\/E -Dx+y+1=0.

A. (V2-Dx+y=0. B. x+ (2 +1)y-2v2=0.

C. 2-Dx-y+242-1=0. D. (2 -1)x+y-+2=0.
Huéng din giai

Chon D.

Vi Alld = A:(N2-1)x+y+e=0 (c#1).

Va M(l;l)eA nén A:(\/E—l)x+y—x/§=0.



Cau 146. Puong thing 51x—30y+11=0 di qua diém nao sau ddy ?

f (el efd) e

Huwéng din giai:
Chon D.
Thay toa d6 ting diém vao phuong trinh dudng thing: thoa phuong trinh dudng thang thi diém
d6 thudc duong thang.
Toa d6 diém cua ciu D thoa phuong trinh.

Cau 147. Cho hai diém 4 (4; 7) , B (7; 4) . Viét phuong trinh tong quat duong trung truc ctia doan thing

AB.

A. x—y=1. B. x—y=0. C. x+y=0. D. x+y=1.
Huwéng din giai

Chon B.

Tacd AB = (3;-3) va I(%,%j 1a trung diém cta doan AB.

Phuong trinh AB:x—-y=0.

Céu 148. Tim vecto phép tuyén clia duong thing di qua hai diém phan biét 4(a;0) va B(0;b) véi

(a#b).

A. (b;—a). B. (-ba). C. (b;a). D. (a;b).
Huwéng din giai

Chon C.

Tacé AB=(-a;b) nén vipt clia ctia duong thing 4B 1a (b;a).

Cau 149. Viét phuong trinh tong quét cia duong thing di qua hai diém O(0;0) va M (1;-3).

A.3x+y=0. B. x-3y=0. C.3x+y+1=0. D. 3x-y=0.
Huéng din giai:

Chon A.
Taco: OM =(1;-3) = dudng thing (OM ) c6 vecto phap tuyén 1a n=(3;1).
Phuong trinh tong quét cia OM 1a: 3x+y =0.

Cau 150. Tim toa d¢ vecto phdp tuyén cita dudng thang di qua 2 diém A(-3;2) va B(L;4) .
A. (-12). B. (4;2). C. (2:1). D. (1;2).

Chon A.
Duong thing 4B c6 vicp AB=(4;2), vipt 7i =(2;-4)=-2.(-1;2).

Cau 151. Tim toa d¢ vecto phap tuyén cua dudng thang di qua 2 diem A(2;3) va B(4;1).
A. (2,-2). B. (2;-1). C. (L1). D. (;-2).

Chon C.



Cau 152.

Cau 153.

Cau 154.

Cau 155.

Cau 156.

Cau 157.

Puong thing 4B c¢6 viep AB=(2;-2), vipt ii =(2;2)=2.(L1) .

Tim toa d6 vecto phap tuyén ciia duong thang di qua 2 diém A4 (a;O) va B (O;b) .
A. (-b;a). B. (b;a). C. (b;—a). D. (a;b).
Chon B.

Puong thing 4B c6 viep AB =(-a;b), vipt ii =(b;a).

Tim toa do vecto phap tuyén cta duong thing song song truc Ox .
A. (0;1). B. (1;0). C. (-1;0). D. (L;1).
Chon A.

Puong thang song truc Ox nén vudng goc véi truc Oy va nhan vecto don vi | = (0;1) lam

vecto phép tuyén.

Tim toa d6 vecto phap tuyén ciia duong thiang song song truc Oy .
A. (L1). B. (0;1). C. (-10). D. (1,0)
Chon D.

Duong thang song truc Oy nén vudng gbe véi truc Ox va nhan vecto don vi i =(1;0) 1am

vecto phap tuyén.

Tim toa d6 vecto phap tuyén ciia duong thang phan giac goc phan tu thir nhat ?
A. (1,0). B. (0;1). C. (-L1). D. (L;1).
Chon C.

Pudng thang phéan giac goc phan tu thir nhat ¢6 phuong trinh y=x < x—y =0 nén c6

vtpt 7 =(1;-1)=—(-1;1).

Tim toa d9 vecto phép tuyén ciia dudng thang di qua goc toa do va diém A(a;b) ?
A. (—a;b). B. (1;0). C. (b;—a). D. (a;b).
Chon C.

Puong thing 04 c6 vtep OA=(a;b), vipt ii=(b;—a).
Cho duong thing A:x—3y—2=0. Toa do clia vecto nao khéng phai la vecto phap tuyén cta A.

A. (1,-3). B. (-2;6). C. G;—lj. D. (31) .

Huwéng din giai:
Chon D. , 7 ’
Ap dung ly thuyét: Puong thing cd phuong trinh ax+by+c=0 thi vecto phdp tuyén
n=k(a;b) va vecto chi phuong u = k(~b;a) véi k#0.
Vecto phap tuyén cta duong thang (A)la n =k (1;-3).
Véi k=1=n =(-3); k=-2=n, =(-26);.



Cau 158.

Cau 159.

Cau 160.

Cau 161.

Cau 162.

Phuong trinh duong thang di qua 4(5;3) va B(-2;1) la:

A2x—-T7y-2=0. B.7x+2y—41=0. C2x-7y+11=0. D.7x-2y+16=0.
Hwéng din gidi:

Chon C.

Ta c6: AB=(-7;-2). Puong thing 4B cb vecto chi phuong u=(~7;-2) = vecto phap

tuyén n= (2;—7).

Duong thing AB qua A(5;3) vanhan n =(2;-7) lam vecto phap tuyén c6 phuong trinh:

2(x—5)—7(y—3)=O<:>2x—7y+11:0.

Cho hai diém A(1;-4) va B (3; 2). Viét phuong trinh tong quat ciia dudng thang trung truc ca

doan AB .

A x+3y+1=0. B.3x+y+1=0. Cx-y+4=0. D.x+y-1=0.
Hwéng din gidi:

Chon A.

Tacod: AB = (2;6), trung diém ctia AB 1a I(2;-1).

Puong trung truc cua doan AB qua [/ (2;—1) va nhan AB = (2;6) lam vecto phap tuyén co

phuong trinh: 2(x—2)+6(y+1)=0<2x+6y+2=0< x+3y+1=0.

Cho A(1;-4) va B (5;2). Phuong trinh tong quat cua duong thang trung truc cua doan AB la:
A. 2x+3y-3=0. B. 3x+2y+1=0. C.3x-y+4=0. D. x+y-1=0.
Huéng din giai
Chon A.
Goi A la duong trung truc cia AB. Tacd AB =(4;6) va trung diém ciia 4B 1a M (3;-1).
Puong thing A di qua M va vudng goc véi AB, co phuong trinh
4(x—3)+6(y+1) =0 2x+3y-3=0.

Cho A(1;—4) va B (1; 2). Phuong trinh tong quat ctia dudng thing trung truc cua doan AB 1a:
A. y+1=0. B. x+1=0. C. y-1=0. D. x—-4y=0.

Huéng din giai
Chon A.
Goi A 1a dudng trung tryc clia 4B . Tacd AB =(0;6) va trung diém cta 4B 1a M (1;-1).
Puong thing A di qua M va vudng goc voi AB , c6 phuong trinh

0(x—1)+6(y+1)=0< y+1=0.

Cho A(4;—1) va B(l;—4). Phuong trinh tong quét ciia duong thang trung truc ctia doan AB 1a:
A x+y=1. B. x+y=0. C. y—x=0. D. x—y=1.

Huéng din giai

Chon B.



Cau 163.

Cau 164.

Cau 165.

Cau 166.

Cau 167.

Goi A 1a duong trung tryc cia AB. Ta c6 AB=(-3-3) vi trung diém cia 4B la

M (i—%j Puong thing A di qua M va vudng goc voi 4B, ¢ phuong trinh

2
5 5
3 x-2|-3[ y+2 |0 x+y=0.
(x 2] (y 2) i

Cho A(1;—4) va B(3;—4). Phuong trinh tong quat ctia dudong thang trung truc ciia doan AB 1a:
A. y+4=0. B. x+y-2=0. C. x-2=0. D. y—-4=0.

Huéng din giai
Chon C.
Goi A 1a dudng trung truc clia 4B . Tacd AB =(2;0) va trung diém cta 4B 1a M (2;-4).
Puong thang A di qua M va vudng goc voi AB, c6 phuong trinh

2(x=2)+0(y+4)=0=x-2=0.

Phuong trinh duong trung truc cia doan thang AB véi A(L; 5), B(-3; 2) la:

A. 6x+8y+13=0.  B.8x+6y+13=0. C.8x+6y—13=0.  D. 8x+6y—13=0.
Huwéng dan giai

Chon C.

Goi A 1a dudng trung truc ctia AB . Tacd AB= (—4;-3) va trung diém cua 4B la M [—l;%)

Puong thang A di qua M va vudng goc voi AB, c6 phuong trinh

—4(x+1)—3(y—%j20<:>8x+6y—13=0.

Phuong trinh tong quét ctia dudng thang di qua A(3;-1), B(L5) la:

A —x+3y+6=0.  B.3x—y+10=0. C.3x—y+6=0. D. 3x+y—8=0.
Huwéng din giai

Chon D.

Tacé AB=(-2;6). Dudngthang A di qua 4(3;~1) va VTPT ii =(3;1), c6 phuong trinh

3(x—3)+y+1:0<:>3x+y—820.

Phuong trinh tong quét ciia dudng thang di qua A(2;-1), B(2;5) la:
A. x+y-1=0. B. 2x-7y+9=0. C.x+2=0. D. x-2=0.
Huwéng dan giai
Chon D.
Taco AB=(0;6). Pudng thing A di qua A(2;—1) va VTPT ii =(-6;0), c6 phuong trinh
—6(x—2)+0(y+1) =0 x-2=0.
Phuong trinh tong quét ciia dudng thang di qua A(3;-7), B(1;-7) la:

A. y-7=0. B. y+7=0. C. x+y+4=0. D. x+y+6=0.
Huéng din giai



Ciu 168.

Cau 169.

Cau 170.

Cau 171.

Cau 172.

Chon B.
Tacé AB=(-2;0). Dudng thing A di qua A(3;~7) va VIPT ii =(0;2), c6 phuong trinh

0(x—3)+2(y+7)=0< y+7=0.

Phuong trinh tong quat ctia dudng thang di qua 4(0;-5), B (3;0) la:
A -2 B. 2+2=1. c.t+2on D. —Z+2Z=1.
35 3 5 5 3 5 3
Huwéng din giai
Chon B.

Puong thing A di qua A(0;—5) va B (3; O) 1a phuong trinh doan chén: —% =1.

W | =

Phuong trinh téng quat cua duong thing di qua O va song song voi duong thing

(A):6x—4x+1 =0 la:

A. 3x-2y=0. B. 4x+6y=0. C.3x+12y-1=0. D. 6x—-4y—-1=0.
Huéng din giai

Chon A.

Dudng thing d song song v6i duong thing (A):6x—4x+1=0, c6 dang: 6x—4x+m=0

Puong thang d di qua O nén m =0. Vay phuong trinh d 13 6x—4y=0<3x—2y =0.

Viét phuong trinh tong quat cua duong thiang di qua O va vudng goc voi dudng thing

d:6x—4y+1=0.

A.x+2y-3=0. B. 2x+3y=0. C.x-2y+5=0. D. —x+2y+15=0.
Huwéng din giai

Chon B.

Tacod uq = (4:6)

Phuong trinh dudng thang qua O vudng goc voi d 1a: 4x+6y=0=2x+3y =0

Cho tam gidc ABC c¢6 A(1;4),B(3;2),C(7;3). Lap phuong trinh duong trung tuyén AM cia

tam giac ABC.

A. 3x+8y+35=0. B. 3x+8y—-35=0. C.8x+3y—-20=0. D. 8x-3y+4=0
Huwéng din giai

Chon B.

Vi M 1a trung diém cia BC => M (5;%}

x__lzy—_4:>AM:3x+8y—35:0.
5-1 5 4
3"

Phuong trinh dudng thing AM :

Cho tam gidc ABC co A(l;l),B(O; -2),C (4;2). Lap phuong trinh duong trung tuyén ctia tam

giac ABC ké tur B.

A. -7x+5y+10=0 B.5x+13y+1=0. C.7x+7y+14=0. D.3x+y-2=0.
Huwéng din giai



Cau 173.

Cau 174.

Cau 175.

Cau 176.

Chon A.

Goi M 1a trung diém ciia AC = M G%)
0

, - 2
Phuong trinh duong thang BM : )SC = ;’H_ = BM :-7x+5y+10=0
5—0 E+2

Cho tam gidc ABC c6 A(1;1),B(0;-2),C(4;2). Lap phuong trinh dudng trung tuyén cia tam
gidc ABC ké tu A.
A. x+y—-2=0. B. 2x+y-3=0. C.x+2y-3=0. D.x-y=0.
Huéng din giai
Chon A.
Goi M la trung diém ciia BC = M (2;0)
1

—

Phuong trinh dudng thing AM :% = ﬁ =AM :x+y-2=0

Cho tam gidc ABC c6 A(1;1),B(0;-2),C(4;2). Lap phuong trinh dudng trung tuyén cia tam

giac ABC ké tu C.

A. 5x-T7y—-6=0. B.2x+3y-14=0. C.3x+7y—-26=0. D.6x-5y—-1=0.
Huwéng din giai

Chon A.

Goi M 1a trung diém cia 4B = M (%, —%)

v 4 y-2
Phuong trinh duong thang CM:X—I:y—leM:Sx—7y—6:O

4—— 24—

2 2
Cho tam gidc ABC ¢6 A(1;4),B(3; 2),C(7;3). Lap phuong trinh duong cao cta tam gidc
ABC ké tur A.
A. 4x+y-5=0. B.2x+y—-6=0. C.4x+y-8=0. D.x+4y-8=0.
Huwéng din giai

Chon C.
Ta co ?5:(4;1)

Phuong trinh dudng cao tam gidc ABC ké tir 41a: 4(x—1)+y—-4=0<4x+y—-8=0

Cho tam giac ABC c6 A(2;—1),B(4;5), C(-3;2). Lap phuong trinh dudng cao clia tam giac

ABC kétu A.
A. 7x+3y-11=0. B.-3x+7y+13=0. C.3x+7y+1=0. D.7x+3y+13=0.

Huéng din giai
Chon A.
Tacé BC =(-7;-3)

Phuong trinh dudng cao tam gidc ABC ké tu A la: 7(x—2)+3(y+1)=0<37x+3y—11=0.



Cau 177.

Cau 178.

Céiu 179.

Céu 180.

Cau 181.

Cho tam giac ABC c6 A(2;—1),B(4;5), C(-3;2). Lap phuong trinh dudng cao cua tam giac

ABC ké tu B.

A. 5x-3y-5=0. B.3x+5y-20=0. C.3x+5y—-37=0. D.3x-5y-13=0.
Huwéng din giai

Chon A.

Tacd AC = (-5;3)

Phuong trinh dudng cao tam gidc ABC ké tir Bla:—5(x—4)+3(y—5)=0< -5x+3y+5=0.

Cho tam giac ABC cé A(2;—1),B(4;5),C(—3; 2). Lap phuong trinh duong cao cua tam giac
ABC kétr C.
A. x+3y-3=0. B.x+y-1=0. C.3x+y+11=0. D.3x-y+11=0.
Huéng din giai
Chon A.
Tacd AB = (2;6)
Phuong trinh duong cao tam giac ABC ké tu Cla:
2(x+3)+6(y-2)=02x+6y-6=0 < x+3y-3=0

Pudng thing 51x—30y+11=0 di qua diém nao sau day?

B ey ) o)

Huwéng din giai
Chon A.
Thay toa do cac dap an vao phuong trinh trén
Puong thang 12x—7y+5 =0 khéng di qua diém nao sau day ?
A. (1;1). B. (~1;-1). c.[-2:0).
12
Huéng din giai
Chon A.
Thay toa dd cac diém trén vao ta duoc dap anla A4.
Viét phuong trinh duong thang qua A(S;—l) va chin trén hai nira truc duong Ox, Oy nhiing
doan bang nhau.
A. x—y=4. B. x—y=6. C.x+y=4. D. x+y=—4.
Huwéng din giai
Chon C.
Nhan thay diém A4(5;-1) thudc 2 duong thing: x—y =6, x+y=4
Véi x—y=6:cho x=0=-y=6< y=-6<0 (khong thoa dé bai)
Véi x+y=4:cho x=0=y=4>0;cho y=0=x=4>0
Céch khac:
Vi chin hai nira truc dwong nhitng doan bang nhau nén dudng thing dé song song véi duong
thing y =—x < x+y =0, vdy c6 hai dap an C,D.



Ciu 182.

Cau 183.

Cau 184.

Ciu 185.

Cau 186.

Thay toa do A(S; —1) vao théy C thoéa man

Viét phuong trinh duong thing di qua M (—1; 2) va vudng goc voi duong thing

2x+y-3=0.

A. 2x+y=0. B. x-2y-3=0. C.x+y—-1=0. D. x-2y+5=0.
Huéng din giai

Chon D.

Puong thang vudng goc voi duong thang: 2x+ y —3 =0 c6 phuong trinh dang:

x=2y+c=0

Thay toa d6 diém M(—1;2) vao phuong trinh x—2y+c¢=0 tacd: ¢c=5

Viét phuong trinh duong thing di qua M (1;2) va song song voOi duong thing

2x+3y—-12=0.

A. 2x+3y—-8=0. B. 2x+3y+8=0. C.4x+6y+1=0. D.4x-3y—-8=0.
Huéng din giai

Chon A.

Duong thang song song véi duong thang: 2x+3y —12 =0 c6 phuong trinh dang:

2x+3y+c=0(c;t—12)

Thay toa d¢ diém M (1;2) vao phuong trinh 2x+3y+c=0 tacéd: ¢ =-8

Viét phuong trinh tong quat cia dudng thing qua A(—l;2) va vudng goc véi duong thang:

2x-y+4=0.

A. x+2y=0. B. x-2y+4=0. C.x+2y-3=0. D. —x+2y-5=0.
Hudéng din giai

Chon C.

Puong thang vuong goéc véi duong thang: 2x— y+4 =0 cd phuong trinh dang: x+2y+c¢=0

Thay toa do diém A(—1;2) vao phuong trinh x+2y+c=0 tacd: ¢ =-3

Viét phuong trinh duong thiang qua M (—2;—5 ) va song song v6i dudng phan giac goc phan tu

thir nhat.

A. x+y-3=0. B. x—-y-3=0. C.x+y+3=0. D. 2x-y-1=0.
Huéng din giai

Chon B.

Phuong trinh dudng phan giac goc phan tu thir nhat c6 dang: y=x < x—y=0
Puong thang song song véi dudng thang: x—y =0 c¢6 phuong trinh dang: x— y+¢=0

Thay toa d¢ diém M (—2;—5) vao phuong trinh x—y+c=0 taco: ¢ =-3

Phuong trinh tong quat ctia dudng thang qua A(—2;4), B (1;0) la:

A. 4x+3y+4=0. B. 4x+3y-4=0. C.4x-y+4=0. D. 4x-3y—-4=0.
Huwéng din giai

Chon B.

Puong thing 4B di qua diém A(-2;4) vaco vicp AB=(3;-4), vipt ii =(4;3)



Vay phuong trinh tong quét ciia duong thing d :4x+3y—4=0.
Céu 187. Phuong trinh duong thing cat hai truc toa do tai 4(-2;0), B(0;3) la:

A. %—%zl. B.3x—2y+6=0. C.2x+3y—6=0.  D.2x-3y+6=0.
Huwéng din giai

Chon B.

Duong thing 4B di qua diém 4(-2;0) vacé vicp AB=(2;3), vipt ii=(3;-2)

Vay phuong trinh tong quét ciia duong thing d :3x—2y+6=0.

Ciu 188. Cho tam gidc ABC c6 A(2;0), B(0;3), C(-3;1). Dudng thang di qua B va song song véi
AC c6 phuong trinh la:
A. 5x—y+3=0. B. 5x+y—-3=0. C. x+5y-15=0. D. x—-15y+15=0.
Hudéng din giai
Chon C.
Puong thing d di qua diém B(0;3) vaco viep AC =(=5;1), vipt i =(1;5)
Vay phuong trinh tong quat cua dudong thing d : x+5y—15=0.

Cau 189. Cho ba dudng thang d, :3x—2y+5=0, d,:2x+4y—7=0, d, :3x+4y—1=0. Phuong trinh
duong thing d di qua giao diém cua d, va d,, vasong song voi d, la:
A. 24x+32y—-53=0. B. 24x+32y+53=0.
C. 24x—-32y+53=0. D. 24x-32y-53=0.
Hudéng din giai
Chon A.
Duong thang d, :3x+4y—1=0 c6 vipt ii=(3;4)
Goi M la giao diém cua d, va d,, toa do diém M thoa hé phuong trinh
-3

3x—2y+5=0 Y= _
Y = 8 =M —3,2
2x+4y-7=0 y—ﬂ 8’16

16
. 2 . 2 -3 31} , .
Duong thang d di qua diém M(?’E)’ cO vipt n :(3;4)

Vay phuong trinh tong quét cua duong thang d :3x+4y—§=0.
Ciu 190. Viét phuong trinh dudng thing qua giao diém cua hai dudng thing d:2x—y+5=0 va
d,:3x+2y-3=0 vadiquadiém 4(-3;-2).
A. 5x+2y+11=0. B. x-y-3=0. C.5x-2y+11=0. D. 2x-5y+11=0.
Huwéng din giai
Chon C.
2x-y+5=0

Goi M la giao diém cua d, va d,, toa do diém M thoa hé phuong trinh
3x+2y-3=0



Cau 191.

Cau 192.

Céu 193.

Cau 194.

x=-1
<:>{ = M (-1;3)
y=3

Puong thing AM di qua diém A(-3;-2) vaco vicp AM =(2;5),vipt i =(5;-2)
Vay phuong trinh tong quat cia duong thang AM :5x—2y+11=0.

Tim diém M ndmtrén A:x+y—1=0 va cach N(—l;3) mot khoang bang 5.
A.(2;-1). B.(-2;-1). C.(-21). D.(2:1).
Huéng dan giai
Chon A.
MeA=M(t;1-1): MN =5:(=1—1)" +(2+1)* =25 & 21> +61-20=0
t=2=M(2;-1)
Lz—S:M(—S;Q

Tam giac ABC déu cd A(~1;—3) va duong cao BB':5x+3y—15=0.Toa do dinh C la:

28.36) g o[ 128, 36) ¢ o128, 36) , f 12836)
17 17 17 17 17 17 17 17

Huéng din giai
Chon A.
Vi tam gidc ABC déunén 4 va C d6i xtimg nhau qua BB’
Goi d 1a duong thang qua Ava d L BB' = d :3x—5y—12=0

S5x+3y-15=0
I (1)

H =dNBB' = toadd diém H la nghiém cta hé: {

3x=5y—-12=0 347 34
Suyra C %,ﬁ .
17 17
Tim vecto phép tuyén ciia dudng thing song song voi truc Ox .
A.(0;1). B.(10) . C.(L1) . D. (-1;0).

Huéng din giai
Chon A.
Puong thing song song véi truc Ox nhén vecto ciing phuong vai } =(0;1) lam VTPT cua no.
Cho hai diém A(4;—-1); B(1;—4). Viét phuong trinh tong quat duong trung truc cua doan thang

AB
A. x+y=0. B. x—-y=1. C.x+y=1. D. x—y=0.

Huwéng din giai
Chon A.

AB = (-3;-3)=-3(1;1), Goi M 1a trung diém cua AB thi M(%,—%) .

Puong trung truc cua doan thing AB di qua M (%,—%) vanhan n = (1;1) 1am IVTPT nén co

phuong trinh tong quat: (x—%]+(y+§) =0 x+y=0



Cau 195. Duong thing 12x—7y+5=0 khéng di qua diém nao sau day ?

A1) B.(L;1) . C. (—i;oj. D. ( ;1—7].

12 7
Huwéng din giai
Chon B.
Thay toa d6 cac diém vao phuong trinh dudng thing ta thdy diém (1;1) khéng théa man
phuong trinh duong thang.
Cau 196. Viét phuong trinh tong quat cia duong thang di qua hai diém 4(3;-1) va B(L5).
A.3x—y+6=0. B. 3x+y—-8=0. C. x+3y+6=0. D. 3x—y+10=0.
Huwéng din giai
Chon B.
Co AB=(-2;6)=u=n=(62)=2(31)
Phuong trinh tong quat ciia duong thing 4B di qua 4(3;~1) vaco VIPT n=(3;1) la
3x+y—-8=0.
Cau 197. Cho A4BC c6 A(L;1), B(0;-2), C(4;2). Viét phuong trinh tong quat cua trung tuyén AM .
A. 2x+y-3=0. B. x+2y-3=0. C.x+y-2=0. D. x—y=0.
Huwéng din giai
Chon C.
Toa do M (2;0) 1a trung diém BC.

Co AM =(L-1)=u=n=(L1)
Phuong trinh tong quat AM di qua A4(1;1) va VTPT n=(L;1) 1a x+y-2=0.
Cau 198. Cho A4ABC c6 A(2;-1), B(4;5), C(-3;2). Viét phuong trinh téng quét ciia dudng cao AH .
A. 3x+7y+1=0. B. 7x+3y+13=0. C. 3x+7y+13=0. D. 7x+3y—-11=0.
Hudéng din giai
Chon D.
C6 BC =(-7;-3)=—(7;3)
Do AH 1 BC = BC 1a VTPT cua dudng thing AH .
Duong thing AH di qua A4(2;-1) vaco VTPT n=(7;3) 1a 7x+3y—-11=0.

Céu 199. Cho 2 diém A(1;—4), B(1;2). Viét phuong trinh tong quat duong trung truc ciia doan thang

AB.

A. y—-1=0. B. x-4y=0. C. x-1=0. D. y+1=0.
Huéng din giai

Chon D.

Goi M 1a trung diém ctia doan thang AB suy ra M (1;—1).
Puong trung truc cia doan thing AB di qua M va nhan AB = (0;6) lam vtpt nén c6 phuong
trinh tong quat: 0.(x—1)+6(y +1)=0 <= y+1=0.

Céu 200. Cho A4BC co A(L;1), B(0;—2), C(4;2). Viét phuwong trinh téng quat cua trung tuyén CM .



Cau 201.

Cau 202.

Céu 203.

Cau 204.

A. 3x+7y—-26=0. B. 2x+3y-14=0. C. 6x-5y—1=0. D. 5x-7y—-6=0.

Huwéng din giai
Chon D.

Goi M l1a trung diém cua doan théng ABsuyra M (%;_?1) , CM = (_77;_75) .

. ) —— =7 =5
Duong trung tuyén CM di qua C(4;2) nhan vecto CM = (7;7) lam vtep nén cé vtpt

ney = (5-7).

Vay pttq ciia duong thang CM 1a 5(x—4)-7(y—2)=0<5x-Ty—6=0

Cho AABCcod A(L;1), B(0;-2), C(4;2). Viét phuong trinh téng quat cia trung tuyén BM .

A. 3x+y-2=0. B. -7x+5y+10=0. C. 7x+7y+14=0. D.5x-3y+1=0.
Huwéng din giai

Chon B.

Goi M l1a trung diém cua doan théng ACsuyra M (%,%) , BM = (%,%} . Puong trung tuyén

BM di qua B(0;-2) nhan vecto BM = (%,%) lam vtcp nén co vtpt @ =(7;-5).
Vay pttq cia duong thing CM 13 7(x—0)—=5(y+2)=0< 7x-5y-10=0

Cho 2 diém A(1;-4), B(3;2). Viét phuong trinh tong quat dudng trung truc cta doan thing

AB .

A. x+3y+1=0. B. 3x+y+1=0. C.3x-y+4=0. D. x+y-1=0.
Hudéng din giai

Chon A.

Goi M l1a trung diém cua doan AB . Nén ta c6 M(2;—1) .

Puong trung truyc ctia doan thang AB di qua M (2; —l) va nhan Zf?(2; 6) lam vtpt nén c6 pttq

2(x—2)+6(y+1):O<:> 2x+6y=2=0<=x+3y=1=0

Chon A

Viét phuong trinh tong quat ctia dudng thing di qua 2 diém 4 (3; —7) va B (1; —7)

A. x+y+4=0. B. y-7=0. C.x+y+6=0. D. y+7=0.
Huéng din giai

Chon D.

AB(-2;0). Dudng thing AB di qua A4(3;~7) c6 vecto phap tuyén 1a n, (1;0).

Phuong trinh duong thang ABla: y+7=0.

Cho A4BC c6 A(2;-1), B(4;5), C(=3;2). Viét phuong trinh tong quét cia duong cao CH .

A. x+3y-3=0. B. 2x+6y—-5=0. C.3x—y+11=0. D. x+y—-1=0.

Huwéng din giai:
Chon A.
Dudng cao CH nhan 4B =(2;6) lam VTPT nén c6 phuong trinh 1a:



2(x+3)+6(y—2):0 hay x+3y-3=0.
Cau 205. Viét phuong trinh tong quat cia duong thang di qua hai diém 4(3;-1) va B(-6;2).
A. x+y-2=0. B. x+3y=0. C.3x-y=0. D. 3x—y+10=0.
Huéng din giai:
Chon B.
Duong thang di qua A4(3;-1), B(=6;2) ¢6 VTPT la n=k(1;3), k=0,
Phuong trinh tong quét ciia duong thang AB:x+3y=0.
VI TRi TUONG POI

Cau 206. Vi gia tri ndo cua m hai dudng thing sau day song song ?
A 2x+(m*+1)y-3=0va A,: x+my—100=0.

A.m=2. B. m=1hoac m=2.
C. m=1hoac m=0. D. m=1.
Huéng din giai
Chon D.
. 1 -1
Hai duong thang song song khi va chi khi —= 2m ;tﬁ@m =1.
2 m+1 3

Céu 207. Pinh m dé A :3mx+2y+6=0 va A, :(m’ +2)x+2my—6=0 song song nhau:

A. m=-1. B. m=1. C. m==l D. Khong c6 m .
Huéng din giai:
Chon B.
Néu m=0thi A, :2y+6=0, A,:2x—6=0 cat nhau
m2+2_2m -6

Néu m#0 thi A /A, < = z—om=1
3m 2 6

Cau 208. Cho 4 diém A(-3;1), B(-9;-3), C(—6;0), D(-2;4). Tim toa do giao diém cua 2 duong
thang AB va CD.
A. (-6;-1). B. (-9;3). C. (-9;-3). D. (0;4).
Huéng din giai:
Chon C.
Phuong trinh dudng thing AB:—2x+3y—-9=0
Phuong trinh dudng thing CD:x—y+6=0
Vay giao diém 1a (-9;-3)

Cau 209. Tim toa do giao diém cua duong thing A:4x—3y—26=0 va duong thing d :3x+4y—-7=0.
A. (52). B. Khong c6 giao diém.
C. (2;-6). D. (5-2).

Huéng din giai:
Chon D.



Céu 210.

Cau 211.

Cau 212.

Cau 213.

Cau 214.

4x-3y-26=0 {x=5
=

Toa do giao diém la nghi¢m cua hé
3x+4y-7=0

y=-2

V6i gia trj ndo cia m thi hai duong thang A, :2x—-3my+10=0 va A, :mx+4y+1=0 cit
nhau?
A. 1<m<10. B. m=1. C. Khong c6 m . D. Moi m .
Huéng din giai:
Chon D.

Néu m=0 thi A, :2x+10=0, A,:4y+1=0 cit nhau

I3 ’z 4 _8 . .
Néu m #0 thi A cdt A, @%;ﬁTQmZ ;t? dung véi moi m
—3m

Trong mit phing toa @ Oxy, cho duong thang A c6 phuong trinh §+£ =1.Goi 4, B lacac
giao diém cua dudng thang A véi cac truc toa do. Do dai ctia doan thang 4B bang:
A 7. B. 5. C. 12. D. 5.
Huwéng din giai:
Chon D.
Duong thing di qua 4(0;4),B(3;0)
Phan duong thang nam trong goc xOy ¢b do daila AB=5.

D . . x=2+2t
Vi gia tri nao cua m thi hai duong thing (Al):Zx—3y+m:0 va (A2): L+ mt trung
y=1+m
nhau?
A 4
A. Khong c6 m . B. m=-3. C.m=§. D. m=1.

Huéng dan giai:
Chon A.
Goi M (2+2t;1+mt) 1a diém tiy y thudc A, .
MeA <2(2+2t)-3(1+mt)+m=0<t(4-3m)+1-m=0 (*)
L 4-3m=0 .
A =A, < (*) thoa véimoi ¢ < {1 . (vO nghiém)

Vay khong c6 m thoa yéu cau bai toan.

Vi gia tri nao ciia m hai duong thang sau ddy song song ?

A 2x+(m’ +1)y—=50=0va A,: mx+y—100=0.

A.m=-1. B. Khong com . C. m=1. D. m=0.
Huwéng din giai

Chon C.

Cdch 1: Thu cac gia tri cia m suy ra gia tri thoa man.

Cdch 2: Hai dudng thing song song khi va chi khi L 21 # —100 S m=1.
2 m+1 =50

Véi gia tri ndo ctia m hai dudng thing sau day song song ?



Cau 215.

Cau 216.

Céu 217.

Cau 218.

x=8+(m+1)t
A va A, mx+6y-76=0.

y=10-¢
A.m=-3. B.m=2.
C. m=2 hodac m=-3. D. Khong c6 m théa man.
Huwéng din giai
Chon A.
Phuong trinh tong quat ctia dudng thing Aix+ (m + l)y +10m+2=0.
+, Néu m = 0thay hai duong thang khong song song.

+, Néu m # 0, hai dudng thing song song khi va chi khi 1 = *l # 76 &
m 6 —10m—18

Xac dinh vi tri tvong ddi cta 2 dudng thing sau day: A, . g—% =1 va Ay 6x 2y —8=0.

A. Cit nhau. B. Vudng goc. C. Trung nhau. D. Song song.
Huéng din giai

Chon A.

Puong thang A, c6 phuong trinh tong quat 1a: 3x—2y—6=0.

Ta co % % _—i . Hai duong thang cat nhau.

V6i gia tri ndo ciia m hai duong thang sau day vudng goc nhau ?
A:mx+y—19=0 va A,:(m—)x+(m+1)y—-20=0
A. Moi m . B.m=2. C. Khong c6 m . D. m==1.

Hudéng din giai
Chon C.
Dudng thing A, c6 vecto phap tuyén 1a n, (m;1).
Dudng thing A, c6 vecto phap tuyén 1a n, (m—1;m+1).
Hai duong thang vudng goc khi va chi khi nTnj =0 m(m-1)+m+1=0< m’ +1=0
phuong trinh v6 nghiém. Vay khong c6 gié tri ciia m dé hai duong thang vudng goc.

. . . , x=-3+4¢ x=1-2¢'
Xac dinh vi tri tuong doi cua 2 duong thang: A, : A A,

y=2-06t y=4+3t
A. Song song. B. Trung nhau.
C. Vudng goc. D. Cit nhau nhung khong vudng goc.

Huéng din giai
Chon A.
Pudng thing A, c6 vecto chi phuong u, (4;-6).
Puong thdng A, c6 vecto chi phuong u, (-2;3).
Taco u,,u, cing phuong, lai co diém M, (-3;2)thudc A, nhung khong thude A,
Viy hai duong thang song song.
x=4+t

Xac dinh vi tri trong dbi cua 2 duong thang: A Tx+2y—1=0va A,: { 15
y=1-=



Céu 219.

Céu 220.

Cau 221.

Cau 222.

A. Song song nhau. B. Trung nhau.
C. Vudng goc nhau. D. Cit nhau nhung khong vudng goc.

Huwéng din giai
Chon D.
Puong thing A, di qua M, (4;1) c6 vecto chi phuong u, (1;-5)nén A, cé vecto phap tuyén I
n,(5;1). Phuong trinh A, 13 5(x—4)+1(y-1)=0 5x+y-21=0.

Puong thing A, c6 vecto phap tuyén la 7, (7;2).
N 2 , .
Ta co n,,n, khong vudng goc, % # 1" Vay hai duong thang cat nhau nhung khong vuéng goc.

Xac dinh vi tri tvong d6i cua 2 duong thang sau déy:

A:x=2y+1=0vaA,: 3x+6y—-1=0.

A. Song song. B. Trung nhau. C. Vuong goc nhau.  D. Cit nhau.
Huéng din giai

Chon A.

Céch 1: Giai h¢ phuong trinh thay v nghiém nén hai duong thang song song

Cach 2: Puong thang A, co vipt nT = (1;-2) va A,c6 vipt n, = (=3;6).

Hai dudng thing A,, A co nj = —3171 va 1 # —1nén hai duong thang nay song song

Cho hai dudng thing A: %—% =1 va A,: 3x+4y—-10=0. Khi do hai duong thang nay:
A. Cit nhau nhung khong vudng goc. B. Vuong goc nhau.
C. Song song véi nhau. D. Trung nhau.

Huwéng din giai
Chon B.
Puong thang A, co vtpt ;] = (4;-3), duong thang A, co vtpt ;] =(3;4). Taco Enj =0 nén hai

duong thang vudéng goc véi nhau.

Tim toa do giao diém cta 2 duong thing sau day:

x=22+2¢
L va A,:2x+3y—-19=0.
y=55+5¢
A. (2;5). B. (10;25). C. (5;3). D. (-1;7).
Huwéng din giai
Chon A.

Thay xva y tir ptts cia duong thang A, vao pttq cua duong thang A, ta dugc
2(22+26)+3(55+56)-19=0<t=-10
suyra x=2va y=5
Cho 4 diém A(1;2), B(-1;4), C(2;2), D(-3;2). Tim toa do giao diém cta 2 duong thang AB
va CD
A. (1;2). B. (5;-5). C. (3;-2). D. (0;-1).
Huéng din giai
Chon A.



Tacé AB =(-2;2)suy ra duong thing 4B nhan a =(I;1) lam vtpt, c6 pttq la

I(x-D+1(y-2)=0=x+y-3=0

Ta c6 CD =(—5;0) suy ra duong thing 4B nhan @ =(0;1) lam vtpt, co pttq la

0(x-2)+1(y-2)=0<=y-2=0

x+y-3=0 {x:l
-

Toa do giao diém 13 nghiém ctia hé phuong trinh
y=2=0 y=2

Céu 223. Vi gia tri ndo cta m thi hai duong thang sau ddy vudng goc ?

=1+(m” +1)t x=2-3t
A EIHOTEDE G, ,
y=2-mt y=1-4mt
A. m=13. B. m=—3. C. m=+3. D. Khéng c6 m.
Huwéng din giai
Chon A.
A, €6 VTCP u, =(m* +1;-m)
A, ¢6 VTCP u, =(=3;—4m)
Dé hai dudng thang vudng goc thi
wat, =0 =3(m* +1)+(-m)(~4m) =0 = m’ -3=0 m=+3

Cau 224. Xac dinh vi tri tuong ddi cua hai dudng thing sau ddy:

A WB+Dx+y-1=0 vaAs 2x+(3-1)y+1-/3=0.

A. Song song. B. Trung nhau. C. Vuédng goc nhau.  D. Cit nhau.
Huwéng din giai
Chon B.
ce V311
2 3-1 B-d
Nén A, =A,.

Cau 225. Cho hai duong thang A, :11x—12y+1=0 va A,:12x+11y+9=0. Khi d6 hai duong thang

nay:
A. Vudng goc nhau. B. Cit nhau nhung khéng vudng goc.
C. Trung nhau. D. Song song v&i nhau.
Huwéng din giai
Chon A.

A, ¢6 1 VTPT n, = (11;-12), A, ¢6 1 VTPT n, =(12;11)
Ta thdy tich v huéng ciia hai VTPT cua hai dudng thing nay bing n.n, =11.12+(=12).11=0

do do6 chung vudng gbéc véi nhau.

. , x=442t
Ciu 226. Xac dinh vi tri tvong do1 cia 2 duong thang: A, :5x+2y—-14=0 va A, : { 15
y=1=
A. Cit nhau nhung khong vudng goc. B. Vudng gbc nhau.
C. Trung nhau. D. Song song nhau.

Huéng din giai



Cau 227.

Cau 228.

Cau 229.

Cau 230.

Chon D.
Cach I: A, ¢6 VIPT n, =(5;2) va qua M (0;7)
A, O VICP u, =(2,-5) = n, =(52) =n,=n, va M g A, = A/JIA,.
Cdch 2: A, :5x+2y-22=0
5 2 14
Cotilg ===#—— = A//A,
5 27 2

x=4+2t

va A ix+2y-14=0
y=1-3t
A. Trung nhau. B. Cit nhau nhung khong vudng goc.
C. Song song nhau. D. Vudng goc nhau.

Xéc dinh vi tri tvong ddi ctia 2 dudng thing: A, :{

Huwéng din giai

Chon A.

x=4+2¢ . . . .
Cach 1: Thay 1—3 vao phuong trinh ciia A, thay théa man véi moi ¢ do d6 hai duong

y=1=
thang trung nhau.
Cach 2: Ta co n, =n, =(3;2) va M(4;1) thuoc A, ciing thuoc A, nén hai dudng thang nay
trung nhau.
V6i gia tri ndo ciia m thi 3 dudng thing sau dong qui ?

d:3x-4y+15=0,d,: 5x+2y—-1=0,d;: mx—-4y+15=0 .
A.m = —5. B.m = 5. C.m = 3. D.m = -3.
Huéng din giai

Chon C.
+d Nd, tai A(-13).

+ Aed;, thi m=3.

Cho 3 duodng thang d,:2x+y—1=0 ,d, :x+2y+1=0,d, :mx—y—7=0. Dé 3 dudng thang
nay dong qui thi gia tri thich hop cta m la:
A.m = —-6. B.m = 6. C.m= -5. D.m = 5.
Huwéng din giai
Chon B.
+d, Nd, tai A(1;-1).

+ Aed, thi m=6.

. x=2+t x=5-1
Cho 2 duong thang d, : ,d,: . Cau nao sau day dung ?
y=-3+2t y=-T+3¢
A.d /] d,. B. d, va d, catnhautai M (1; -3).
C.d=d,. D. d, va d, citnhautai M(3; —1).
Hwéng din giai
Chon D.

+ Nhan thdy u, = (L,2), u, = (—1;3) khong cung phuwong nén loai A, C.



Cau 231.

Cau 232.

Cau 233.

Cau 234.

Cau 235.

+ Lap h¢: & .
=3+2t=-7+3 =2
+ Toa d giao diém la (3;-1) .
) , x=—l+at . o
Hai duong thang 2x—4y+1=0 va vudng goc voi nhau thi gié tri cia a 1a:
y=3—(a+1)t
A.a = -2. B.a =2. C.a=-1. D.a=1.
Huéng din giai
Chon D.
exéttite 429 oo
2 4
. , x=1-t \
Cho hai duong thang d, :{ ,dy,: x=2y+1=0 . Tim ménh dé dung:
y=5+3t
1 13
A.d//d, . B. d,// Ox. C. dszy:A(O;Ej D. d nd, :B(g;gj.
Hwéng din giai
Chon C.
+u, =(~1;3),n, = (1;-2) nén phuong 4n A, B loai.
1
+d,N0Oy: x:0:>y:5 . Phuong an C dung.
+ Kiém tra phuwong an D: Thé toa d6 B vao PT d, ,khong thoa man.
. 2 . . x=1-2t
Giao diém cua hai duong thang d, :2x—y+8=0va d,: A la:
y=4a-
A M3 -2). B. M (-3; 2). C. M(3;2). D. M(-3; -2).
Huéng din giai
Chon B.
+2.(1-2)-(4-0)+8=0=>¢t=2 .
. . , x=-1+t , . »
Xac dinh a dé hai duong thang d,:ax+3y—4=0 va d,: 343 cat nhau tai mot diém
y=>5+

nam trén truc hoanh.

A.a =1. B.a = 1. C.a=2. D.a = -2.
Huéng din giai

Chon D.

+34+3t=0=>¢t=-1.

+a(-1+1)+33+3)-4=0=>-2a-4=0=>a=2.

. . x=-4-t
Xét vi tri twong doi cia hai duong thang sau: d, :{ Lo’ d,:x+2y—-4=0
y=1=
A. d, tring d, . B. d, cit d,. C. d //d,. D. d, chéo d,.

Hudéng din giai
Chon B.



. x=-4-t .
Duong thang d,:1¢ 5 co vipt i, =(2;-1)

Duodng thang d, : x+2y—4=0 c6 vipt i, =(1;2)

Tacod n,n, =0 nén n, L n, = d, cat d,.

HOAC ding déu higu & = h_a két luan ngay.
a, b, G

x=-3+4t Jx=1+41
y=245t" 2" |y=7-5¢
A.(1;7). B.(-3;2). C.(2-3). D.(51).

Huéng din giai

Cau 236. Tim toa d6 giao diém cua hai duong thang d, :{

Chon A.
Toa do giao diém ctia hai dudng thing d,va d,la nghiém cua h¢ phuong trinh:

Srar=l t'<:> r=1 thay vao ph trinh duong thang d, va d, ta d x=1y=7
a ao uong trin uon an a adugc x=1,y=
2 St 7 St’ ! 0 y p g 1 g g 1 2 v y

. 2 . . x=1+2¢ x=1+4¢
Cau 237. Tim toa d¢ giao diém cua hai duong thang d, : ,d,: ,
y=T+5t y=-6-3¢

A.(-3;-3). B.(1;7). C.(1,-3). D.(3;1).

Hwéng din giai
Chon A.
Toa dd giao diém cta hai duong thang d, vad,la nghiém cua hé phuong trinh:

1+2t=1+4¢ t=-2 ,
= { thay vao phuong trinh duong thangd, vad, ta dugcx =-3,y =-3.

7+5t=—-6-3¢t =
. 2 ) . x=22+2t
Cau 238. Tim toa d0 giao diém cua hai duong thangd, : ,d, 1 2x+3y—-19=0
y=55+5¢t
A.(2;5). B.(10;25). C.(-1;7). D.(2;5).
Huéng din giai
Chon A.
Toa do giao diém ctia hai duong thang d, vad,la nghiém cia hé phuong trinh:
x=22+2t
y=55+5t < 2.(22+2t)+3(55+5t)-19=0<=1=-10
2x+3y-19= 0

Suy ra toa do giao diém 1a(2;5).

Cau 239. Phan duong thang x + y—1=0 nam trong xOy c6 do dai bang bao nhiéu ?
Al B.\2. C.2. D.5.
Hwéng din giai
Chon B.
Do tam giac ABC vudng tai O.

Suy ra|4B|=v1" +1' =+/2.




Cau 240. Véi gid tri ndo cia m thi hai duong thang sau song song nhau: d, :2x+(m2 + 1)y—50 =0 va
d, : x+my—-100=0
A. m=1. B. m=-1. C.m=2. D. m=1va m=-1.
Huéng din giai

Chon A.
2wl =50 (2wl

dlld, =<1 m ~100 < <1 m < m=1.
m=0 m=#=0

Cau 241. V6i gia tri nao ciia m thi hai duong thing sau song song nhau: 2x+(m2 +1)y—3=0 va

mx+y—-100=0
A.med. B.m=2. C. m=1. D. m=1va m=-1.
Huwéng din giai
Chon C.
2_m2+1
P m +m-2=0
2 mr+l -3 " !
=" - 200 200
dlld, =<m 1 —100 & m#*—— = m;ﬁT = m=1.
m=0 m=0 m=0

Céu 242. Voi gia tri ndo cia m thi hai duong thing sau song song nhau: d :3mx+2y—-6=0 va
d, :(m2+2)x+2my—320
A.m=1vam=-1. B.med. C.m=2. D. m=—1.
Huéng din giai

Chon A.
dm 2
2.9 om 4m* =4
Im g m +2 2m
d/ld, =>im°+2 2m -3 <& {—=2 S mE— &
2m 2 m=-1
m#0
m=#0 m=#0
C . . x=8—-(m+1)t
Cau 243. Voi gia tri nao cia m thi hai duong thang sau song song nhau: d,: 1047 va
y=10+

d, :mx+2y—-14=0

A.m=1va m=-2. B.m=lI. C.m=-2. D. med.
Huwéng din giai

Chon A.



x=8—(m+1)t (1)
d /ld, = héphuong trinh {y=10+¢ (2) v6 nghiém
mx+2y—14=0 (3)
Thay (1),(2) vao (3) ta duoc m(8—(m+1))+2(10+7)-14=0
& (m+m=-2)t=8m+6 (4)

+m-2=0 =
Phuong trinh (4) vo nghiém khi va chi khi {’" o e |

8m+6+#0 m=-2
C ) , xX=2+2t
Cau 244. Vi gia tri nao cua m thi hai duong thang d, : L+ mt va d,:4x-3y+m=0 trung nhau ?
y=1+m
4
A.m=-3. B. m=1. C.m=§. D. med.
Huéng din giai
Chon D.
x=2+2t (1)
d,=d, = héphuong trinh |y =1+mt (2) 6 nghiém tuy y.

4x-3y+m=0 (3)
Thay (1),(2) vao (3) ta duoc 4(2+2¢)-3(1+mt)+m=0
< (Bm-8)t=m+5 (4)
3m—-8=0

Phuong trinh (4) c6 nghiém tuy ¥ khi va chi khi { 520 < med.
m+5=

Céu 245. Voi gia tri nao ciia m thi hai duong thang d:2m-1)x+my-10=0 va d,:3x+2y+6=0

vuong goc nhau ?
A.m:i. B.mz—é. C.mzé. D. med.
2 8 8
Huwéng din giai
Chon C.
Duong thang d, : (2m—1)x+my—10=0 ¢6 vipt 7, =(2m—1;m)

Duong thang d, :3x+2y+6=0 c6 vipt ii, =(3;2)

d, Ld, =iiii,=0 < (2m—1).(3)+(m).(2)=0 & ng.

. x=2-3¢
Céu 246. Vi gia tri nao cua m thi hai duong thang d,:2x-3y-10=0 va d, :{ | dm vudng gbc
y=1=4am
nhau ?
A.m:l. B.ng. C.mz—g. D. med.
2 8 8

Huwéng din giai

Chon C.

Duong thang d, :2x—3y—10=0 c¢6 vipt 7, =(2;-3)



x=2-3t

4 tc() vipt i, =(4m;—3)
y=1-4m

Puong thang d, :{

d Ld, =iii,=0 & (2).(4m)+(-3).(-3)=0 m=—%.

Cau 247. Vi gia tri nao ctia m thi hai duong thang d, : x—3my+10=0 va d, :mx+4y+1=0 cit nhau?
A. meR. B. m=1. C.m=2. D.med.
Huwéng din giai
Chon A.

, | R
d chitd, =L+ " w24 o meR.
m

Cau248. V6i gid tri nao cua m thi hai duong thiang phan biét d,3mx+2y+6=0 va

d,:(m* +2)x+2my+6=0 cét nhau ?

A.m#-—1. B. m#1. C. meR. D.m#1 va m#-1.
Huéng din giai

Chon D.

. 2 m#1
d it dy = 2 o w24 o .
m+2 2m m#—1

Céu 249. Vi gia tri nao cua m thi hai duong thang d :3x+4y+10=0 va d,:2m-Dx+m’y+10=0

trung nhau ?
A.med. B. m=+=l. C.m=2. D. meR.
Huéng din giai
Chon C.
2m—1_m_2 )
2m—-1 m> 10 3 4 3m* —8m+4=0 m=2 v m==
d=d, > ——=—=— < = 3
3 4 10 m> 10 m’ =4
A m=2 v m=-2
4 10
oSm=2.
o . , x=1+2¢
Céu 250. Vi gia tri nao cua m thi hai duong thang d, :4x—-3y+3m=0 va d,: Ame trung nhau
y=4+m
?
4
A m=——. B. m=—. C.m=——. D. m=—.
3 3 3 3
Huwéng din giai
Chon B.
x=1+2¢ (1)
d, =d, = héphuong trinh 3 y=4+mit (2) cd nghiém tuy y.

4x-3y+3m=0 (3)
Thay (1),(2) vao (3) ta duogc 4(1+2t)—3(4+mt)+3m=0 <:>(3m—8)t=3m—8 (4)



Phuong trinh (4) c6 nghiém tuy y khi va chi khi 3m-8=0 < m= % .

Cau 251. Néu ba duong théngdlz 2x+y—-4=0;d,:5x-2y+3=0; d,:mx+3y-2=0 dong qui thi
m cé gia tri la:
12 12

A, —. B. —. C.12. D. -12.
5 5
Huwéng din giai
Chon D.
Toa dd giao diém cta hai duong thang d, va d, 1a nghiém cua hé phuong trinh:
o 5
2x +y -4 =0 "9 . 2
Y = ? suy ra d,,d, cat nhau tai M(é;—6)
5x =2y +3 =0 26 99
Y= 9

) 2
Vi d,,d,,d, dong quy nén M e d, ta co: m.§+3.?6—2 =0 m=-12.
Cau 252. Xét vi tri tuong ddi cta hai dudng thang sau: d,:x—2y+1=0 va d, :-3x+6y-10=0
A. Trung nhau. B. Song song.
C. Cit nhau nhung khong vudng goc nhau.  D. Vudng goc v6i nhau.
Huwéng din giai
Chon B.
Duong thing d, :x—2y+1=0 ¢6 vipt 7i, =(1;-2)
Duodng thang d, : —3x+6y—10=0 c6 vipt i, =(-3;6)
Taco 7n, =—3.5, nén #n,,n, cung phuong.
Chon A(1;0)ed, ma A(1;0)&d, nén d,,d, song song v6i nhau.

HOAC dung ddu hidu 2 = L 2 két luan ngay.
a, b, ¢

CAu 253. Xét vi tri tuong d6i cua hai duong thang sau: d : %—% =lvad,:6x-2y-8=0

A. song song. B. Trung nhau.

C. Cit nhau nhung khong vudng géc nhau.  D. Vudng goc v6i nhau.
Hudéng din giai

Chon C.

Puong thang d, :g—gzl co vipt 7, =(3;-2)

Dudng thang d, :6x—-2y—-8=0 c6 vipt ii, =(6;-2)

Ta co n,.n, =22 nén d,,d, khong vudng goc nhau.

X_ Y c=2
Hé phuong trinh {2 3 conghiém {3
6x—-2y-8=0 y=-2

Vay d, ,d, cit nhau nhung khong vudng goc nhau.



Cau 254. Xét vi tri twong dbi cia hai duong thing sau: d, : %-? ~1vad,:6x—4y-8=0

A. song song. B. Trung nhau.

C. Cit nhau nhung khong vudng goc nhau.  D. Vudng goc v6i nhau.

Huwéng din giai
Chon A.

Puong thing d, :%—%:1 c6 vipt i, =(3;-2)

Duong thang d, :6x—-4y-8=0 c6 vipt ii, =(6;—4)

Taco n, =27, nén n,,n, cung phuong.

Chon A(2;0)ed, ma A(2;0)¢d, nén d,,d, song song v6i nhau.

HOAC dung déu hiéu 4 _b + 5 Kbt luan ngay.
a, b, ¢

Céu 255. Xét vi tri twong dbi cua hai dudng thang sau: d : %—% =lvad,:3x+4y-10=0

Cau 256.

Cau 257.

A. Vuong goc voi nhau. B. Trung nhau.
C. Cit nhau nhung khong vudng goc nhau.  D. Song song.

Huwéng din giai
Chon A.

Puong thang d, :g—%=l co vipt 1, =(4;-3)

Duong thang d, :3x+4y—10=0 c6 vipt i, =(3;4)
Tacéd n,.n, =0 nén d,,d, vubng goc nhau.
. . ) , x=—1+¢
Xét vi tri twong doi cua hai duong thang sau: d, : {
A. d, cit d,. B. d,//d, . C. d, tring d, .
Huwéng din giai
Chon C.

, x=-1+t¢ ~
Duong thing dlz{ - co vipt i, =(2;1)

x=2-2t
y=-8+4¢
Ta co n, =2.5 nén 7, ,n, cung phuong.

Chon A(—1;-2)ed, ma A(-1;-2)ed, nén d, trung d, .

Puong thing d, :{ co vipt i, =(4;-2)

HOAC dung déu hiéu 4_h_&a két luan ngay.
a, b, ¢
x=-3+41

Xét vi tri twong ddi cua hai dudng thing sau: d : { y 6t
y=z-

A. d, cit d,. B. d,//d, . C. d, trung d, .

Hudéng din giai

¥

d x=2-2t
y==2-2t" " |y=-8+4

D. d, chéo d,.

x=1-2t
y=4+3t
D. d, chéo d,.



Chon B.

x=-3+4¢
y=2-06t
x=1-2t
y=4+3t

Puong thang d, :{ co vipt 7, :(6;4)

Puong thing d, :{ co vipt i, =(3;2)

Taco n, =21, nén #,,7n, cung phuong.

Chon A(-3;2)ed, ma A(-3;2)¢d, nén d &, .

HOAC ding déu higu & = h_a két luan ngay.

a, , O
. . ) , x=4+2t
Cau 258. Xét vi tri twong doi cua hai duong thang sau: d, : 1—3 d,:3x+2y-14=0
y=1=
A. d, tring d, . B. d, cit d,. C. d //d,. D. d, chéo d,.

Huwéng din giai
Chon A.
. x=4+2¢ -
DPuong thing d, : 3 co vipt i, =(3;2)

Duong thang d, :3x+2y—14=0 c6 vipt i, =(3;2)
Ta cé n, =n, nén n,,n, cung phuong.

Chon A(4;1)ed, ma A(4;1)ed, nén d, trung d, .

HOAC dung déu hiéu 4_h_4a két luan ngay.
a, b, ¢
) . ) , x=4+2t
Cau 259. Xét vi tri twong doi cua hai duong thang sau: d, : |— 5 ;dy:5x+2y—-14=0
y=1=
A. d/ld,. B. d, cit d,. C. d, tring d, . D. d, chéo d,.

Huwéng din giai
Chon A.
, x=4+2t ~
DPuong thing d, : s co vipt i, =(5;2)

Duodng thing d, :5x+2y—-14=0 c6 vipt ii, =(5;2)
Taco 7, =n, nén 7, ,n, cung phuong.

Chon A(4;1)ed, ma A(4;1)ed, nén d &, .

HOAC ding déu higu & = h_a két luan ngay.
a, b, ¢

. . x=4+t
Cau 260. Xét vi tri twong doi cua hai duong thang sau: d, : { |— 5 ;d,:Tx+2y—1=0
y=1=
A. d, chéo d,. B. d,//d, . C. d, trung d, . D. d, cit d,.

Huéng din giai
Chon D.



, x=4+t¢ ~
DPuong thing d, : 5 co vipt i, =(5;1) va d,:5x+y-21=0.

Duodng thang d, : 7x+2y—1=0 ¢ vipt i, =(7;2).
41

. . [sx+y-21=0 |"
H¢ phuong trinh c6 nghiém
Tx+2y-1=0 —142
y=—"
3
Vay d, cat d, .

s ) x=-t s
Cau 261. Cho hai diém A(-2;0), B(1;4) va duong thang d:{ . Tim giao diém cia duong

thang d va AB.

A. (2;0). B. (-2;0). C. (0;2). D. (0;-2).
Huwéng din giai

Chon B.

Duong thing 4B di qua diém A4(-2;0) vaco vicp AB=(3;4), vipt ii=(4;-3)

Vay phuong trinh tong quat cua dudng thing 4B :4x—3y+8=0.

Duodng thing d . di qua diém M (0;2) vaco viep i =(-1;-1), vipt p=(1;-1)

Vay phuong trinh tong quat cia duong thang d :x—y+2=0.

Goi K 14 giao diém ctia duong thang d va AB.

o 4x-3y+8=0 x=-2
Toa do diém K théa hé phuong trinh =N = K(-2;0)=4
x-y+2=0 y=0
A . A . L2 , . R 2 x—2 y+3 .
Cau 262. Tim toa do giao dieém cua hai duong thang sau (d1)3 2 = 1 va (dz):x—y+1=().
A. (-25-1). B. (-21). C. (2:3). D. (2;1).
Huwéng din giai
Chon D.
-2 +3
(dl):x =27 o x+2y+4=0
-2 1
x+2y+4=0 x+2y=—4 x=-2
Xét hé phuong trinh: = =
x—y+1=0 x—-y=-1 y=-1

Céu 263. Tim toa do giao diém cua dudng thang 15x—2y—10=0 va truc tung?
A. (%0) B. (0:-5). C. (0:5). D. (=5,0).
Huéng din giai

Chon B.
Thay x =0 vao phuong trinh dudng thang ta c6: 15.0-2y—-10=0< x=-5

Cau 264. Tim toa d6 giao diém cta dudng thang 5x+2y—10=0 va truc hoanh.
A. (2:0). B. (0;5). C. (-2;0). D. (0;2).



Cau 265.

Cau 266.

Cau 267.

Cau 268.

Cau 269.

Huwéng din giai

Chon A.

Thay y =0 vao phuong trinh dudng thang ta c6: 5x+2.0-10=0< x =2

Vay dap an diing la 4.

Tim toa d6 giao diém cia duong thang 15x—2y—10=0 va truc hoanh.

A. (0;-5). B. @oj c. (0:5). D. (-5:0).
Huwéng din giai

Chon B.

Thay y =0 vio phuong trinh dudng thing ta c6: 15x—2.0-10=0 < x :g

Tim toa d6 giao diém cia 2 duong thing 7x—3y+16=0 va x+10=0.

A. (—10;—18). B. (10;18). C. (—10;18). D. (10;—18).
Huéng din giai

Chon A.

Ta c6: x =-10 thay vao phuong trinh duong théng ta cO: 7.(—10)—3y+16 =0 y=-18

Tim toa do giao diém cua 2 duong thing 5x—2y—29=0 va 3x+4y—7=0.

A. (5-2). B. (2;-6). C. (52). D. (-52).

Huwéng din giai

Chon A.

o . 5x-2y-29=0 5x-2y=29 x=5
Xét hé phuong trinh: = =

3x+4y-T7=0 3x+4y=17 y=-2

) , x=—1+at . o

Hai duong thang 2x—-4y+1=0 va vuong goc voi nhau thi gid tri cia a la:
y=3—-(a+1)t
A.a=-2 B.a=2 C.a=-1 D.a=1
Huéng din giai.

Chon D.
Ta co:

A;:22x —4y+1=0 c6 vecto chi phap tuyén n, = (2;—4) suy ra vecto chi phuong la u, = (2;1)

x=—1+at —
A, co vecto chi phuong 13 u, =(a;—a—1).
y=3—-(a+1)t

Hai dudng thing vudng goc véi nhau < u,.u, =0 < 2a +1(-a-1)=0=a=1.

, x=2+t x=5-t
Cho 2 duong thangd, : , d,: . Cau nao sau day ding ?
y=-3+2t y=-T7+3t
A.d /) d, B.d, va d, cét nhau tai M (1;-3)
C.d, trung d, D.d, va d,cét nhau tai M (3;-1)

Huéng din giai.



Cau 270.

Cau 271.

Cau 272.

Chon D.

Ta c6:d, c6 vecto chi phuong 1a u, = (1;2) suy ra vectophap tuyén n, = (2;-1) va d, di qua
diém M, (2 ;-3) nén phuong trinh tong quat cta d,: 2x—y—7=0,(1).

Thay x,y tir phuong trinh d, vao (1) ta dugc: 2(5—7)—(-7+3t)-7=05t=101=2
Vay d, va d, cit nhau tai M (3;-1).

, x=1-t X
Cho hai duong thang d, :{ , dy :x—2y+1=0.Tim ménh d¢ dung:
y=5+3t
1 13
A‘dl//dz B.dz//Ox C.dz ﬁOy:A 0,5 D.dlﬁd2=B g,g

Huéng din giai.
Chon C.
d, c6 vecto chi phuong 1a u, = (~1;3).
d, c6 vecto chi phap tuyén n, = (1,—2) suy ra vecto chi phuong la u, = (2;1) khong song song
Ox (loai B).
Vi —-1.(-2) #1.3nén d, va d, cat nhau (loai A).

1
Thay x=0 vao phuong trinhd, ta dugc -2y +1=0& y = 5 nén dap an C ding.

. , x=1-2¢t
Giao diém cua hai duong thang d, :2x—y+8=0 va d, :{ 4y la:
y=a-
A.M (3;-2) B. M (-3;2) C. M (3;2) D. M (-3;-2)
Huéng din giai.
Chon B.

Thay x,y tir phuong trinh d, vao d, ta duogc: 2(1-2t)—(4-1)+8=0 <3t=6<1=2
Véy d, va d,cédtnhau tai M (-3;2).
. 2y : x=-1+t , . L
Xac dinh a dé hai duong thang d,:ax+3y—-4=0 va d,: 343¢ cat nhau tai mot diém
y=>+
nam trén truc hoanh.
A.a=1 B.a=-1 C.a=2 D.a=-2
Huéng din giai.
Chon D.
Cach 1: Goi M =d, nd,=> M (-1+1;3+3t)ed,,M e Ox =3+3t=01t=-1
Suyra M (—2; 0). M ed,, thay toa d§ ciia M vao phuong trinh d, ta dugc
a(-2)+3.0-4=0 < a=-2.Vay a=-2 la gid tri can tim.
Cach 2:Thay x, y tur phuong trinh d, vao d, ta dugc:

a(~1+1)+3(3+3t)-4=0 <:>(a+9)t=a—5<:>t:Z;9




Goi M=dlmd2:>M(_14 ;6a+12j.Theodé MeOx=6a+12=0a=-2.
a+9 a+9

Vay a =-2 1a gi tri can tim.

, x=-2+5¢ , .
Cau 273. Hai duong thang d, :{ _ (ZER) va d, :4x+3y—18=0 cat nhau tai diém co toa do:
A. (2;3). B. (3;2). C. (1,2). D. (2;1).
Huéng din giai
Chon B.
) 2x-5y+4=0 x=3
Khtr ¢ ta co =4 .
4x+3y—-18=0 y=2
Céu 274. Trong mit phing Oxy, cip dudng thing nao sau day song song v4i nhau?
x=1+¢ xX=-2+t -1 -1 1
A d: v d, ; . B.g X0y g 2ol yHl
y=2t y=3-4¢ -1 2 -1 1
C.d:y=x+1vad,:x—y+10=0. D.d :2x-5y-7=0vad,:x—y-2=0.

Huéng din giai
Chon C.
Dép an A4 thi d,,d, lan lugt c6 VTCP uT =(1; 2),1/72 = (1;—4) khong cung phuong.
Déap 4n B thi d,.d, lan luot c6 VICP uT = (—1;2),12 =(—1;1) khong cung phuong.

;s . A for A g A A b c
bap an C thi d,,d, lan lugt co ti s cac hé so —- = b—‘ #—L suyra d,,d, song song.
a, G

;s . A fogr A g A A b A
bap an D thi d,,d, lan lugt co ti s0 cac h¢ sO —-=—- suyra d,,d, khong song song.
a, )

Cau 275. Dinh m sao cho hai dudng thang (A, ):(2m—Dx+my—10=0 va (A,):3x+2y+6=0 vudng
gbc voi nhau.
A. m=0. B. Khong m nao. C.m=2. D.m=§.

Huéng din giai:
Chon D.
A, ¢ vecto phap tuyén 1a m =(2m—1;m), A, ¢6 vecto phép tuyén la n, = (3;2).

Taco: A, LA, @;71.;72=0@3(2m—1)+2m=0@m=§.

Céu 276. Tim toa 46 giao diém cta hai duong thing (A,):" 2 va (a,):4" + ¥
au . 11m tgoa do giao di€m cua hai duong thang 1) y:7+5t va R y:_6_3t"
A. (L,7). B. (1;-3). C. (31). D. (-3;-3).

Huéng din giai:
Chon D.

1+2¢t=1+4¢ t=-2
Xét hé:

745 = —6_df | = giao diem cua (A,) va (A,) 1a A(=3;-3).



Cau 277.

Cau 278.

Cau 279.

Céu 280.

Cau 281.

x=3+%t x=2+9t'

Xéc dinh vi tri twong ddi clia hai dudng thang (A, ): A va (A,): ? .
=—1+—¢ =—+8¢
Y= Y73
A. Song song nhau. B. Cit nhau. C. Vudng goc nhau.  D. Trung nhau.
Huéng din giai:
Chon D.
3+iz:%+9t’ f6r =1
Xét hé: & : hé c6 vo s6 nghiém = A, =A,.
| I t—6t'=1
—l+—=t=—+8¢
3 3
Dudng thang (A):5x+3y =15 tao véi céc truc toa dd mot tam gide c6 dién tich bang bao
nhiéu?
A. 3. B. 15. C.%. D. 5.
Huéng din giai:
Chon C.
Goi A 1a giao diém ctua A va Ox, B la giao diém cia A va Oy .

Taco: 4(3,0), B(0;5) = 04=3, OB =5 :SAOAB:%

Tim toa d6 giao diém cua hai duong thing (A, ): x=-3+4¢ L (A,): x=1+4¢
im toa d§ giao diém cua hai duong thang (A, ): y=2450 )N Z7ose
A. A(S;I). B. A(1;7). C. A(—3;2). D. A(l;—3).
Huéng din giai:

Chon B.

—3+4t=1+4¢ t=1 .
Xét hé: { , <:>{ = giao dicm A4(1;7).

2+5t="T7-5¢ t'=0

Tim toa do giao diém cua duong thing A:15x—2y—10=0 va truc tung Oy .

A. (=5:0). B. (0:5). C. (0:-5). D. @5)
Huwéng din giai

Chon C.

15x-29-10=0 __5
Giéihé:{ XLy @{y

x=0 x=0

Vay toa do giao diém ciia A:15x—2y—10=0 va truc tung Oy 1a (0;-5).

Tim toa do giao diém cua hai dudng thing sau dy:
x=22+2t x=12+4¢
L va A, : ,
y=55+5¢ y=-15-5¢t

A. (6;5). B. (0;0). C. (-5:4). D. (2;5).



Hwéng din giai
Chon B.

o 22+2t=12+4¢ y=0
Giai hé: & .
55+5t=12+4¢ x=0

Vay toa do giao diém ciia A, va A, 1a (0;0).
Céu 282. Tim toa do giao diém cta duong thang A:7x—-3y+16=0 va duong thing d :x+10=0.
A. (10;—18). B. (10;18). C. (—10;18). D. (—10;—18).
Hwéng din giai
Chon D.

. Tx-3y+16=0 x=-10
Giai hé: &

x+10=0 y=-18
Vay toa do giao diém cua A va d 1a (-10;-18).

Cau 283. Cho 4 diém A(4;-3), B(5;1), C(2;3), D(-2;2). Xéc dinh vi trf twong ddi cua hai duong

thang 4B va CD.
A. Trung nhau. B. Cit nhau. C. Song song. D. Vudng goc nhau.

Huéng din giai

Chon B.
. , x=4+t
Phuong trinh tham s6 cua dudng thang 4B la: AB: .
y=-3+4t
. . x=2-4¢
Phuong trinh tham so cua duong thang CD 1a: CD: e
y=3-
. 26 re 86
4+t=2-4¢ 15 " 15
Gidi hé: ol b 5
-3+4t=3-1¢' , 14 14
'=—— |y=——
15 15
A (s o £ C ey z x=3+2t \ x:2+\/§t’
Cau 284. Xac dinh vi tri tuong doi cua hai duong thang: A, : va A, :
y=1-+/3t y=1+2¢
A. Song song nhau. B. Cit nhau nhung khéng vudng goc.
C. Trung nhau. D. Vudng goc nhau.
Hwéng din giai
Chon D.

Ta co LTI = (\/5 =3 ) 1a vecto chi phuong ciia dudng thang A, .

Va u, = \/5,\/5 1a vecto chi phuong ciia dudng thang A, .
2 2



Vi uu, =0 nén A, LA,.
Cau 285. X4ac dinh vi tri twong ddi cta 2 duong thing:
x=V2+(V3+2)r x=—3+¢
A va A, ,
y=- 2_,_(\/_ \/_) y=- 3+(5—2\/€)t

A. Trung nhau. B. Cit nhau. C. Song song. D. Vuodng goc.

Huéng dan giai

Chon A.
\/§+(\/§+\/§)t:—\/§+t' )

Giai hé: . Ta dugc hé vo s6 nghiém.
3+ (V3N = E 4 (5246

Vay A, = A,.

Ciu 286. Xac dinh vi tri trong d6i cua hai duong thang:

x=2+5¢ x=T7+5¢
A va A,

y=3-6t y==3+6¢"
A. Trung nhau. B. Vudng gdc nhau.
C. Cit nhau nhung khong vudng goc. D. Song song nhau.

Huéng din giai
Chon C.

Ta co u, =(5; —6) 1a vecto chi phuong ciia duong thang A, .
Va u, = (5;6) la vecto chi phuong cia duong thang A,.

Vi uTuj =—11nén A, khong vuéng goc voi A,.
o 2+5t=T7+5¢ =1
Giai hé = .
3-6t=-3+6t" (t'=0

Vay A, va A, cit nhau tai diém /(7;-3) nhung khong vudng géc véi nhau.

Céu 287. Tim toa do vecto chi phuwong ctia duong thang song song véi truc Oy .
A. (0;1). B. (;1). C. (1;-1). D. (1,0).
Huwéng din giai:
Chon A.
Hai duong thing song song c6 cung vecto chi phwong hay hai vecto chi phuong cung phuong
Truc Oy c6 vecto chi phuong (0;1) nén chon A

Cau 288. Hai duong thing A \/_ +T+ J2=0va A, 2x=2 (\/5+1)y =0 co vi tri tuong dbi 1a:
A. cit nhau nhung khong vudng goc. B. song song v&i nhau.
C. vuong gbc nhau. D. trung nhau.

Huéng din giai:



Chon C.
Dung Casio bam giai hé phuong trinh tir hai phwong trinh cta hai duong thang:
e  Hé v nghiém: hai duong thing song song
e  Heé co nghiém duy nhat: hai dudng cét nhau
Néu tich v6 hudng ctia hai VTPT bang 0 thi vudng goc
e He¢ co vo sb nghiém: hai duong tring nhau
Cach khac: Xét cap VTPT cua hai duong thing
e  Khong cung phuong: hai dudng thing cit nhau
Néu tich v6 huéng cta hai VTPT bang 0 thi vudéng goc
e  Cung phuong: hai duong thang song song hodc tring
Pap an: tich vo hudng cta hai VTPT bang 0 nén hai dudng vudng goéc. Chon C.
Cau 289. Tim vecto phap tuyén cia duong thang song song véi truc Oy .
A. (1;1). B.(1;0). C. (0;1). D. (-1,0).
Huwéng din giai:
Chon B.
VTPT ctia dudng thang song song voi Oy : vudng goc véi VTCP ciia truc Oy 1a (0;1).
Hai vecto vudng goc khi tich v hudng cua ching bang 0
Chon dap 4n B (1at nguoc doi mot dau)

Cau 290. Tim toa do giao diém cua dudng thing A:5x—2y+12=0 va duong thing D:y+1=0.
A. (1;-2). B. (-1;3). C. (_TM;—IJ . D. (—1 ; %)

Huéng din giai:
Chon C.
Dung Casio bim giai hé phuong trinh tir hai phuong trinh cua hai duong thang:
e He¢ vo nghiém: hai dudng thing song song
e He¢ co nghiém duy nhat: hai dudng cit nhau
Néu tich vo huéng cta hai VTPT bang 0 thi vuéng goc
e Hé co vb s6 nghiém: hai dudng tring nhau

Cau 291. Cho 4 diém 4(0;1), B(2;1), C(0;1), D(3;1). Xac dinh vi tri twong dbi cua hai dudng thing

AB va CD.

A. Song song. B. Trung nhau. C. Cit nhau. D. Vuong goc nhau.
Huwéng din giai:

Chon B.

Biéu dién bon diém 1én hé truc toa do: cung nam trén mot duong thrflng.
Hay nhin nhanh: bén diém c6 cung tung do, vi vay cing nam trén dudng thang y=1.

Cau 292. V6i gia tri nao cia m hai dudng thing sau day tring nhau?

x=m+2t x=1+mt
A va A,

y:1+(m2+l)t y=m+t
A 4
A. Khong c6 m . B.m=§. C. m=1. D. m=-3.

Huéng din giai:
Chon C.
Chuyén vé phuong trinh tong quat, hai dudng thang trung nhau khi cac hé sé twong tng ty 1¢.



Céu 293.

Cau 294.

Cau 295.

Cau 296.

Cau 297.

Giai ra duoc m=1. Chon C
***Giai nhanh: 1y d4p 4n thé vao hai phuong trinh.
Cho 4 diém A(1;2),B(4;0),C(1;-3),D(7;-7) . X4c dinh vi tri trong déi clia hai duong thing
AB va CD.
A. Trung nhau. B. Song song.
C. Cit nhau nhung khéng vudng goc. D. Vuong goc nhau.
Hwéng din giai
Chon B.

AB =(3;-2), CD =(6;—4). Ta co: %=_—i Suyra AB va CD song song.

, , x=2-3t
Dinh m dé 2 duong thang sau day vudng goc: A, : 2x—-3y+4=0 va A,: { L= 4t
y=1=am
A.m:—l. B.m=i2. C.m=l. D.m=—2.
2 8 2 8

Huéng din giai
Chon D.

Duodng thing A, ¢6 vipt n, =(2;-3), A, ¢ vtcp u, = (=3;—4m) = vipt n, = (~4m;3).
2 - 9
Dé A LA, & npn, =0<:>m=—§.

Tim toa d6 giao diém cta duong thing A:5x+2y—10=0 va truc hoanh Ox .

A. (0;2). B. (0;5). C. (2;0). D. (-2;0).
Hwéng din giai

Chon C.

Puong thiang A giao véi truc Ox:cho y=0=x=2.

. . x=4+t
Xac dinh vi tri twong doi cua 2 duong thang: A, : { 1—5; vaA,: 2x-10y+15=0
y=1=
A. Vudng goc nhau. B. Song song nhau.
C. Cit nhau nhung khong vudng goc. D. Trung nhau.
Hwéng din giai
Chon A.

Dudng thang A, ¢6 vtep u, =(1;-5)
Dudng thang A, c6 vipt n, =(2;-10) = u, =(10;2)
Tacod uiu, =0,suyra A, va A, vudng goc v6i nhau.

Tim tit ca gia tri m dé hai duong thing sau ddy song song.
x=8—(m+1)t
y=10+¢

A. Khéng m nao. B. m=-2.
C. m=1 hoac m=-2. D. m=1.

1

va A, mx+2y—-14=0.



Hwéng din giai
Chon C.

Duong thing A, c6 vtep w1 =(—-m—1;1) nén vipt n, =(L;m+1).

Duong thing A, 6 vipt n, = (m;2).

AN, & —=——&

m 2

1 m+l m=1
m=-2

Cau 298. Xac dinh vi tri twong ddi ctia 2 dudng thing

y=2++21 =142
A. Vuong goc.  B. Song song. C. Cit nhau D. Trung nhau.
Chon B.
Céu 299. Vi gia tri ndo cia m hai duong thang sau day tring nhau ?
A 3x+4y—-1=0va A, : 2m—Dx+m’y+1=0
A.m=2. B. Moi m C. Khong c6 m D. m==1.
Huéng din giai
Chon C.

Cau 300. Cho 4 diém A(0;2),B(-L1),C(3;5),D(-3;-1). Xdc dinh vi tri tuong ddi cia hai dudng thang

AB va CD.

A. Song song.  B. Vuong gbéc nhau. C. Cit nhau. D. Trung nhau.
Hwéng din giai

Chon D.

Cau 301. Cho 4 diém 4(0 ;—2), B(—1; 0), C(0 ;—4), D(=2 ; 0) . Tim toa d6 giao diém cua 2 duong
thang 4B va CD

A.(1;-4) . B. (—%,lj
C.(-2;2). D. Khong c6 giao diém.

Huéng din giai
Chon D.

AB ¢6 vecto chi phuong 13 4B = (-1;2) va CDco vecto chi phuong 1a CD = (-2:4).

Tacd: AB= (-1;2)va CD = (-2;4) cung phuong nén 4B va CD khong c6 giao diém.

Ciu 302. Xac dinh vi tri trong ddi ciia 2 duong thing: A {

x=3+~/2¢ o {x:2+\/§t'

va A, :
y=1-1/3t ’ y=1-2¢"
A. Song song nhau. B. Cit nhau nhung khong vudng goc.
C. Vudng goc nhau. D. Trung nhau.

Huéng din giai
Chon B.



A, :c6 viep 1, =(V2;-3) 5 A, 1 0o viep u, = (V3,2

Ta co: LTI , Z khong cung phuong va IZ uj =26 nén ALA, Cit nhau nhung khong vuong goc.

KHOANG CACH
Ciu 303. Khoang cach tir diém M (1;—1) dén duong thing A:3x—4y—17= 0 la:
A. 2 B. 2 C. 18 D. ﬂ
5 5 J5
Hwéng din giai
Chon B.
3.1-4.(-1)-17
+d(M,A)= | D~ |
3+ 4
Céu 304. Khoang céch tir diém A(1;3) dén dudng thang 3x+y+4=0 la:
A A0 B. 1 C. % D. 2410
Hwéng din giai
Chon A.
3.1+3+4
+d(AA)= _Baed
NEEES &
Cau 305. Khoang cach tir diém B(5;—1) dén duong thing d :3x+2y+13=01a:
A. 2413. B. 22 C. 2. p. Y13
NER 2
Huéng din giai
Chon A.
3.5-2.1+13
d(B,d)=g:2«/E _
V13
Ciu 306. Khoang cach tir diém O dén duong thang d : % %=1 la:
1 1
A. 4,8 B. —. C. —. D. 6.
10 14

Hwéng din giai
Chon A.

48]
d:8x+6y-48=0=d(0,d)=L"=43

Cau 307. Khoang céch tir diém M (0;1) dén dudng thang d :5x—12y—-1=0 la:

11 13
A 1. B.- C.13. D. .
Huéng din giai
Chon A.
5.0-12.1-1
d(M,d)=—A—T—=

13



. . , x=1+3t
Cau 308. Khoang cach tir dicm M (2;0) den duong thang { la:
y=2+4¢
A. 2. B.g. C.ﬂ. D.ﬁ.
5 J5 2

Huwéng din giai
Chon A.

‘ . , s , [42-3.0+2
Puong thang d c6 phuong trinh tong quatd:4x—3y+2=0:>d(M,d)=—:2

o . , x=2+3t
Cau 309. Khoang cach tir diém M (15;1) dén duong thang t la:
y =

1 16
A0, B.——. c. 2. D. /5.
J10 NG

Huéng din giai
Chon A.

d:x—3y—2=0:d(M,d):w=m .

J10
Céu 310. Tim diém M trén truc Ox sao cho nd cach déu hai duong thang: d :3x+2y-6=0 va
d,:3x+2y+6=07?
A.(1;0). B.(0;0). C.(0:42). D.(v/2;0).
Huwéng dan giai
Chon B.
Goi M (a;0)=[3a—6|=[3a+6|<2=0= M (0;0)
Cau 311. Cho hai diém A(3;~1) va B(0;3). Tim toa do diém M trén truc Ox sao cho khoang cach tir
M dén duong thing AB bang AB?

A. (%;Oj;(—4;0). B. (2;0) va(1;0). C.(4;0). D. (+/13;0).
Huwéng din giai
Chon A.
Ta goi M (a;0),pt AB:4x+3y-9=0,4B=5
34
:d(M,AB)=5©@=5© “‘?:Ml[%;oj,m(—mo)
a=-4

Ciu 312. Cho hai diém 4(1;2) va B(4;6). Tim toa d¢ diém M trén truc Oy sao cho dién tich tam gidc

MAB bang 1 ?

A. (o;% - (o%j B. (1;0). C.(4,0). D. (0:2).
Huéng din giai

Chon A.

AB=5,Goi M (0;m)



Vi dién tich tam gidc MAB bﬁng 1=d (M, AB) = %,

—_—

3
4m—11 =y
AB:3x+4y—ll=O:>m:£:> 4
5 9
4

m=

Cau 313. Cho hai diém A(2;-1) va B(0;100) ,C(2;~4) .Tinh dién tich tam gidc ABC ?

A. 3. B.E. C.i. D.147.

2 V2
Huéng din giai
Chon A.

Phuong trinh AC:x-2=0,4C =3,d(B,AC)=2= S, ¢ :%AC.d(B,AC) =3.

Cau 314. Tim toa d6 diém M trén truc Ox va cich déu hai duong thing: d :3x-2y—-6=0 va
d,3x=2y+3=10

A.(l;oj B.(0;42) C. (v2;0). D. (1;0).

2
Huwéng din giai
Chon A.
Goi M (m;0) . Theo bai ra ta co

d(M,dl):d(M,d2)<:>|3m—6|:|3m+3|@m:%:M(%;OJ :
Chu 315. Cho hai diém 4(2;3) va B(1;4). Duong thang ndo sau ddy cach déu hai diém 4,B?

A.x—-y+2=0. B.x—y+100=0. C.x+2y=0. D.2x-y+10=0.
Huwéng din giai

Chon A.

Cach 1: Goi d 1a duong théng cach déu 2 diém 4, B, ta co:

M(x;y)ed < MA* = MB? <::>()c—2)2 +(y—3)2 :(x—l)z+(y—4)2

S 2x-2y+4=0=x-y+2=0
Cach 2: Goi I 1a trung diém cta doan AB= I(%,%)
Goi d 1a dudng thang cach déu 2 diém 4, B = d 1a duong trung truc ctia doan AB

=d diqua 1@9 vanhan 4B =(-1;1) lam VTPT

:>d:—(x—§j+(y—1]:0:>d:—x+y—2=0

2 2

Céu 316. Cho ba diém A4(0;1),B(12;5)va C(-3;0). Duong thing nao sau day cach déu ba diém 4, B,C
A.x-3y+4=0. B.—x+y+10=0. C.x+y=0. D. 5x—y+1=0.

Huéng din giai
Chon A.



Cau 317.

Cau 318.

Céu 319.

Céu 320.

Ciach 1: Viét phuong trinh duong thang d qua 3 diém thang hang A4, B,C . Néu duong thang
cach déu 3 diém A4, B, C thi n6 phai song song hoic trung véi d

Goi d 1a duong thing qua 2 diém 4,C :>d:%+%:1<:>x—3y+3=0

Kiém tra cac phuong an, ta thiy pl}uong éu} A thoa.
Cach 2: Tinh khoang cach tur 3 diém dén lan luot cac duong trong cac phuong an A, B, C, D.
Khoang cach giita hai duong thang song song d :6x—8y—-101=0va d,:3x—-4y=0 la:
A. 10,1. B. 1,01. C. 101. D. 101 .
Huwéng din giai

Chon A.
e Kihi¢u A:6x—8y—-101=0va d:3x—4y=0
e Liydiém O(0;0)ed:3x—4y=0

-101] 101

=—=10,1

o d(d;A)=d(0;A)= e 10

Khoéng cach gitra hai duong thang song song 7x+y—3=0 va 7x+y+12=0 la:

A.%. B. 15. C.9. D.

&‘\o
=)

Hudéng din giai
Chon A.
e Kihitud:7x+y-3=0va A:7x+y+12=0
e Léydiém A(0;3)ed:7x+y-3=0
3+12] 15 342
(d:8)=d(4A) = m—=2= 5=

Cho dudng thing d :7x+10y—15=0. Trong cac diem M (1;-3),N(0;4),P(-19;5)va O(L;5)

diém nao cach xa duong thing d nhét ?

A. Q. B. M. C.P. D. N.
Huéng din giai

Chon C.

e Lan luot tinh khoang céach tir 4 diém M,N,P, 0 dén d , ta duoc:

_|7.1+10(-3)-15] 38 _|7.0+104-15] 25

d(M.d = ;d(N,d)= =
(M.d) N7 +10° V149 (¥-d) NP +10° V149
7.(-19)+10.5-15] 98 7.1+10.5-15| 37

d P,d = = 5 d ,d = =
(7d) N7 +10° V149 (04) N7 +10* V149

Cho dudng thang d:21x—11y—10=0. Trong cic diém M(21;-3), N(0;4), P(-19;5) va
Q(I;S) diém nao gan duong thing d nhat ?
A M. B.O. C.P. D. N.

Hudéng din giai



Chon B.

e Lan luot tinh khoang cach tir 4 diém M ,N,P,Q dén d , ta duoc:
21.21-11.(-3)-10] _ |210 11.4- 10|
(N,
\/212 _11)’ \/562 \/212 -11) \/562

|21.(—19)—11.5—10| ©. |211 11.5- 10|
J20 +(-11)’ \/562 \/212 -11) \/562

Céu 321. Phuong trinh ctia dudng thang qua P(2;5) va cach O(5;1) mot khoang bang 3 la:

d(M.d)=

d(P.d)=

A. Tx+24y—-134=0 . B. x=2
C.x=2,7x+24y-134=0 . D. 3x+4y-5=0
Huwéng din giai
Chon C.
Aqua P(Z;S):>A:a(x—2)+b(y—5):O<:>ax+by-2a-5b=0
|5a+b—2a-5b| —
d(0,A)=3& =3 [3a—4b|=3Va’ +b
2 2
va +b
b=0
& 24ab+7b =0 < 24 .
b=761

Véi b=0,chon a=1=>A:x=2

Voi bzga,ch()n a=T7=b=24——>A:7x+24y-134=0

Cau 322. Khoang cach giita hai dudng thing song song 6x—8y+3=0 va 3x—4y—6=0 la:

A.l. B.z. C.2. D.é.
2 2 2
Huwéng din giai
Chon B.
e Kihi¢u d:6x—8y+3=0va A:3x—-6y—-6=0
. LéydiémA(_?I;O)ed:6x—8y+3=0
3. -1 -4.0-6
2 3
o d(d;A):d(A;A): — ==
3’ +(—4) 2
. , x=1+¢ S L
Cau 323. Khoang céch tir A(3;1) dén duong thang d :{ "y gan vdi sO nao sau day ?
y=3=
A. 0,85. B. 0,9. C. 0,95. D. 1.

Huéng din giai
Chon B.

x=1+t¢
d:{ =>d:2x+y-5=0
y=3-2¢



Cau 324.

Cau 325.

Cau 326.

Cau 327.

Cau 328.

Cp3+11-5 2

d(A,d)—ﬁ—ﬁzO,S%

Cho duong thing d :3x—4y+2=0. C6 duong thing d,va d, cung song song v&i d va cach
d mot khoang bang 1.Hai dudng thing d6 c6 phuong trinh la:

A.3x—4y-7=0; 3x—4y+3=0. B.3x-4y+7=0; 3x—4y-3=0
C.3x—-4y+4=0; 3x—-4y+3=0. D.3x-4y-7=0; 3x—4y+7=0.

Huéng din giai
Chon B.
Gia sir duong thang A song song v6i d :3x—4y+2=0 c6 phuong trinh 1a A:3x—4y+C=0

Ly diem M (-2;-1)ed

3.(-2)-4(-1)+C C=7
Do d(d,a)=1 & BRZHD |:1@|c_2|:5®{
3*+(-4) C=-3
Hai canh cua hinh chit nhat nim trén hai dudng thing d 4x-3y+5=0,d,:3x+4y-5=0,

dinh 4 (2; l). Dién tich ctia hinh chir nhat la:
A.l. B.2 . C.3. D. 4.
Huwéng din giai
Chon B.
Do diém A khéng thudc hai duong thang trén.
D0 dai hai canh ké ctia hinh chit nhat bang khoang céch tir A(2; 1) dén hai duong thang trén,

[42-3.1+5 32+41-5]
J#+3 413
Tim khodng cach tir M (3;2) dén dudng thing A:x+2y-7=0

A. 1. B. 3. C. 1. D. 0.
Huéng din giai

do d6 dién tich hinh chir nhat bang S

Chon D.
3)+2(2)-7=0
Ta cé: d(M;A)=|() (2) |=0
JP+2?
. , x=1+t L
Khoang céach tir 4(3;1) dén duong thang d: 3o gan véi so nao sau day ?
y=53-
A. 0,85. B. 0,9. C. 0,95. D. 1.
Huéng din:
Chon B.
Phuong trinh tong quét cia d : 2x+y—5=0
. . . 23+1-5
Khoéng céach tir diém 4 (3;1) dén duong thang (d) 1a d(A4;d) = | NCImE | = 2\5/5
27 +1

Khoang cach giira hai dudng thing song song d :6x—8y+3=0vad,:3x-4y—-6=0 1a
A. l B. i C.2. D. 2

2 2 2



Cau 329.

Céu 330.

Céu 331.

Cau 332.

Huéng din:

Chon B.

s , 6.2-8.0+3 3

LéydlémM(2;0)ed2:3x—4y—6:0.Khoéngcéchcéntimdzﬁza
6°+8

, . x=2t-3
Khoang céch gitra hai duong thang song song voi duong thang A: { 5 va cach A(l;l)
+

mot khoang 345 1a: x+bx+c=0.Thé thi b+c bang
A. 14 hoac —16. B. 16 hoac —14. C. 10 hoac —20. D. 10.
Huéng din:

Chon A.
Goid:x+by+c=0

. x=2t-3
Vi duong thang d€A:{ nén b=-2

y=t+5
Phuong trinh ctia d : x -2y +c¢=0.
5 c=-14
Theo dérataco: d(A;d)=3J5=|c-1|=15= 6
CcC =

Cho duong thing d : x —2y+2 = 0. Phuong trinh cac dudng thang song song véi d va cach d
mot doan br:ing \/g la
Ax—-2y-3=0;x-2y+7=0. B. x-2y+3=0; x-2y+7=0.
C.x-2y-3=0; x-2y-7=0. D. x-2y+3=0; x-2y-7=0..

Huéng din:
Chon A.
Goi A 1a dudng thing song song voi d :x—2y+2=0 = A:x—2y+c=0;c#2
Theo dé ra ta co d(A;d):\/§:>|c—2|:5:> 2?73
Phuong trinh cac duong thang qua M (2;7) va cach diém N (1; 2) mot khoang bang 1 1a
A.12x-5y—-11=0; x—2=0. B. 12x+5y—-11=0; x+2=0.
C.12x-5y+11=0; x—2=0. D. 12x+5y+11=0; x+1=0.

Huéng din:
Chon C.

Str dung phuong phép loai tru:
D@ thay diém M (2;7) khong thuge hai duong thdng x+2 =0;x+1=0 nén loai B; D.

biém M (2;7) khong thugc dudng thing 12x—5y—11=0 nén loai A.

Cho duong thang A:(m—2)x+(m—1)y+2m—1=0. Véi gid tri ndo ctia m thi khoang cach tir
diém (2;3) dén A 16n nhét ?

11 1

A.m=—. B. m= . C. m=11. D. m=-11.
5 5

Huéng din:
Chon A.



Céu 333.

Cau 334.

Cau 335.

Céu 336.

Céu 337.

[7m 38|
N2m® —6m+5

Cho duodng thing d :3x—4y+2=0. Co dudng thing d, va d,cung song song voi d va cach

Tacd d= . BAm may tinh, chon A.

d mot khoang bang 1. Hai dudng thiang d6 c6 phuong trinh 1a

A.3x—4y —7=0; 3x—4y+3=0. B.3x—4y +7=0; 3x—4y—-3=0.

C.3x-4y +4=0; 3x—4y+3=0. D.3x—4y +3=0; 3x—4y+13=0.
Huéng din:

Chon B.

Goi A:3x—-4y+C=0;C#2

=-3

. C=
Theo dé ra ta co: d(d;A):1:|C—2|:5:> o7

Cho tam gidc ABC c6 A(2;-2), B(1;-1),C(5;2). Do dai dudng cao AH cua tam gidgc ABC 1a
A B.. c.2 D. L
5 5 5 5

Huéng din:
Chon B.

, ) 7
Phuong trinh dudng thang BC :3x—4y—7=0. D dai dudng cao AH =d (A4;BC)= 3

Cho 4(2;2),B(5;1) va dudng thing A:x—2y+8=0. Piém CeA. C c6 hoanh d dwong
sao cho dién tich tam giac ABC bﬁng 17. Toadd cua C la
A. (10;12). B.(12; 10). C. (8; 8). D. (10; 8).

Huéng din:

Chon B.

Phuong trinh duong thing 4B:x+3y—-8=0.Diém CeA= C(2¢-8;¢)
I 1 — [5t-16| r=10

Dién tich tam giac ABC: —AB.d(C; AB)=17= —/10..—1=17 = 18 = C(12;10)
2 2 \/E t:—?

Hai canh cta hinh chit nhit nim trén hai dudng thiang 4x-3y+5=0;3x+4y—-5=0, dinh
A(2;1). Dién tich cua hinh chit nhat la
A.l B.2 C.3 D. 4
Huéng din:
Chon D.
Khoang céch tur dinh A(2;1) dén duong thang 4x—3y+5=0 1a2
Khoang céch tur dinh A(Z;l) dén duong thang 3x+4y—-5=0 1a2
Dién tich hinh chir nhat bang 2.2=4.
Cho 2 duong thang d:x—2y+2=0;d":2x—y—4=0. Hai duong thang nay chia mit phing

thanh nhiing mién danh sd 1, 2, 3, 4. Piém M thudc mién nao dé (x; y) nghiém diang



(x—y+2)(2x—y—4) >0
A.Mién1va3
B. Mién 2 va 4
C.Mién 1va4
D. Mién 2 va 3
Huwéng din giai:

Chon D. ~2
{x -y+2>0 @2——
2x—y—-4>0
Taco: (x—y+2)(2x—y-4)>0< il
(x=y+2)( y=4) x-y+2<0
2x—y—-4<0
. > . . x=2+3t
Cau 338. Khoang cach tir dicm M (15;1) dén dudng thang A: l la:
y =
1 16
A 5. B. ——. C. J1o. D. —.
J1o J5
Hwéng din giai
Chon C.
A ¢6 phuong trinh tong quat: x—3y—-2=0
15-3.1-2
d(M;A) = % =10 .
1 +(-3)
Céu 339. Khoang cach tir diém M (5 ;—1) dén duong thang A: 3x+2y+13=0 la:
13 28
A —. B.2. C.—. D. 2413
V2 J13 '
Huéng din giai
Chon D.
Khoang cach tir diém M (5 ;—1) dén duong thang A: 3x+2y+13=0 la:
3.5+2.(-1D)+13
d(M;A):| ) |=2\/B.
V3P +2°
Céu 340. Cho 3 diem A(0; 1), B(12; 5), C(=3; 5). Dudng thing nao sau day cach déu 3 diém 4, B, C
?
A. 5x—y+1=0. B. x+y+10=0. C.x+y=0. D. x-3y+4=0.
Hwéng din giai
Chon D.

Tinh thir khoang cach tir 4, B,C dén cac dap an ta thdy dap an D thoa yéu cau.
Cau 341. Tim toa d6 diém M nam trén truc Ox va cach déu 2 duong thing A :3x-2y—-6=0 va

A,:3x-2y+3=0

A.(0342) . B.(l : o} ! C.(1;0). D. (2 ; 0).

2
Hwéng din giai



Chon B.
Taco: M e Ox= M(x;O)

|3x 6| |3X+3| 3x—6 :3x+3(vn)

J13 \F 3x—6=-3x-3Sx=

Cau 342. Cho?2 diém A(1;-2), B(-1; 2).Pudng trung truc cta doan thing AB ¢ phuong trinh la:
A. 2x+y=0. B. x+2y=0. C. x-2y=0. D. x-2y+1=0.
Hwéng din giai

dM:A) =d(M:,) 1 Vay M(%;Oj .
2

Chon C.
Puong trung truc cia doan thing 4B qua trung diém O(O;O) ctia doan thang AB va c6 vecto

phap tuyén AB = (—2;4) nén c6 phuong trinh la: x—2y =0.

. . , x=1+3¢
CAu 343. Khoang cach tir diém M (2 ; 0) den duong thang A :{ 1a
y=2+4t
A. z B. 2. C. 10 D. ﬁ
5 J5° 2
Hwéng din giai
Chon B.
A :c6 phuong trinh tong quat: 4x—3y+2=0
[4.2+2]
d(M;A)= —= 2.
4% +(-3)
Cau 344. Khoang cach tir diém M (1 ;—1) dén duong thing A:3x—4y—17=0 la:
A. % B. 10 C.2. D. —§
5 J5° 5

Huéng din giai
Chon C.
Khoang cach tir diém M (1 ;—1) dén duong thing A: 3x—4y—-17=0 la:
3.1-4.(-1)- 17|

d(M;A) =
3% +(—4)

Ciu 345. Cho dudng thing A:21x-11y-10=0. Trong céc diem M(21;-3),N(0; 4), P(-19; 2),
O(1; 5) diém nao cach xa duong thing A nhat ?
A.N. B.M . C.P. D.O .
Hwéng din giai
Chon B.
21.21-11.(-3)- 1o|

J20 +(-11) J5

|210 11.4- 10|

Taco: d(M;A) =
\/212 11 \/562

;d(N



2L(-19)-11.2-10] 431

d(M;A) = C211-115-10] 44

;d(N;A) = =
J20 +(-11) 562

(2P +(-11) 562

Vay diém M céach xa dudng thing A nhat.

Ciu 346. Tinh dién tich AABC biét 4(2;-1), B(1; 2), C(2-4):

A. 3. 3 C.3. D.

B. —.
V37

N | W

Hwéng din giai
Chon D.

Duong thing di qua 2 diém A(2;-1) va B(1; 2) c6 vecto chi phuong la 4B =(-1;3) suyra
toa d6 vecto phap tuyén 1a (3;1).

SuyraAB:3(x—-2)+1(y+1)=0<3x+y-5=0

d(C;AB)=|3'2_4_5|— 3 Jio.

NESFETRENIT

Dién tich AABC:S = %.d(C; AB).AB =% :

Céu 347. Khoang cach tir diém M (—1;1) dén duong thing A: 3x — 4y — 3 = 0 bang bao nhiéu?

AL B.2 . c.? D. .
5 5 25
Hwéng din giai
Chon B.

Khoang céach tir diém M (—1;1) dén duong thing A: 3x—4y-3=0
~4.1-3|
=2.

2

d(M;A) = P
3 +(-4)

Céu 348. Cho dudng thang di qua 2 diém A(3;-1), B(0; 3) , tim toa d¢ diém M thudc Ox sao cho
khoang cach tir M t6i dudong thing AB bangl .
A.(1; 0) va (3,5, 0). B.(~/13; 0). C.(40) D. (2; 0).
Huéng din giai
Chon A.
Duong thing di qua 2 diém A(3;-1) va B(0;3) c6 vecto chi phuong 1a AB =(-3;4) suy ra
toa d6 vecto phap tuyén 1a (4;3).

Suy ra: AB:4(x—3)+3(y+1):0<:>4x+3y—9:0

Mer:>M(x;O)

7 7
|[4x -9 4x-9=5 xz—:M(—;O)
d(M;AB) =1 ——— =1 2 2 ).
a4t + 32 4x-9=-5

x=1= M(1;0)



Céu 349. Cho dudng thang di qua 2 diém 4(3;0), B(0;—4), tim toa d6 diém M thudc Oy sao cho dién
tich AMAB bang 6 .

A.(0;1) B. (0;0) va (0;-8). C.(1;0) . D. (0;8).
Huéng din giai. chon B
Chon B.

Tacod AB(-3;—4)= AB=5,
Duodng thang 4B di qua 4(3;0), B(0;—4)nén c6 phuong trinh 4x—3y—-12=0.
3 12
M thudc Oynén M(O;m);d(M,AB):m
m =
S \ns :6c>|3m+12|=12c{
m=—

Vaytoadd cua M la (0;0) va(0;-8).

Chu 350. Cho dudng thing A:7x+10y—15=0. Trong cic diém M(1;-3),N(0;4), P(8;0),0(L5)

diém nao cach xa dudng thing A nhit ?

A. M. B. P. C. Q. D. N.
Huwéng din giai: chon C
Chon C.
Ta co:
|7-30-15] 38 [40-15] 25
d M,A = = ,d ’A = =
( ) \149 V149 ( ) V149 /149 -

:|56—15|_ 41 A =|7+50—15|_ 42

NPT 7S o A v R v

Cau 351. Khoang c4ch tir diém M (0;1) dén dudng thang A:5x—-12y-1=0 la

d(P,A)

11 13
A —. B. —. C.l. D. J/13.
13 17
Huwéng din giai: chon C
Chon C.
Taco: d(M,A) 121
a co: ,A)= =1.
V169
Céu 352. Cho 2 diém A(2;3),B(1;4). Dudng thing nao sau day cach déu 2 diém 4, B ?
A x+y-1=0 B. x+2y=0 C.2x-2y+10=0 D. x—y+100=0
Huéng din gidi. Chon A
Chon A.

Ta c6 dudng thang cach déu hai diém A4, B 1a duong thing di qua trung diém 7 (%,%) cua AB
hodc 1a dudng thing song song v6i AB:x+ y—5=0. Tachon A.

Ciu 353. Khoang cach giita 2 dudng thing A Tx+y-3=0va A,:7Tx+y+12=0 1a



9 32

A —. B. 9. C.—. D. 15.
NE 2
Huwéng dan giai. Chon C

Chon C.

Tacd M(0;3)eA, va A, //A, nén: d(A,,A2)=d(M,A2)=¥.

Cau 354. Khoang cach tir diém M (1;—1) dén duong thang A:3x+y+4=0 la:

A. 2310 B.@. c.%. D. 1.
Huéng din giai. Chon B.

Chon B.

3.1+(-1)+4

3 +1 5

Céu 355. Cho A4BC vé6iA(1;2),B(0;3),C(4;0). Chiéu cao tam gidc (mg véi canh BC bang:
B.

A3, L c. . D.>.
5 25 5

Huéng din giai: chon B

Chon B.

Puong thing BC c6 phuong trinh %4—% =13x+4y-12=0.

Chiéu cao can tim la a’(A,BC) = % .

Chu 356. Khoang céch tir diém O(0;0) t6i duomg thing A % + % =114
A B. - c. % D. L.
5 10 J14 14

Huéng din giai: Chon A.

Chon A.

Ta ¢6 A:%+§:1<:>4x+3y—24=0.

~ [4.0+3.0-24| 24
NVEES 5

Cau 357. Tinh dién tich AABC biét 4(3;2),B(0;1),C(L5).

d(0,A)

11 11
A—. B. J17. C.11. D.—.

V17 2
Huéng din giai:
Chon D.
AB =(-3;-1)= AB=110; AC =(-2;3)= AC =413

— AB.AC 6-3 3 — 11
cos|(AB,AC | =—————= = =sin|(AB,AC )= ——.

( ) |AB|.|AC| 10413 130 ( ) 130



1 T
S e ZEAB.AC.sm(AB,AC) ==

Ciu 358. Cho duong thang di qua 2 diém A4(1;2),B(4;6), tim toa do diém M thudc Oy sao cho dién
tich AMAB bang 1 .
A(051). B.(00) va (o%) C.(0:2). D.(1;0).

Hudéng din gisi: Chon B
Chon B.
AB=(3;4)= AB=5M(0;y,,); (4B):4x-3y+2=0

Yu =
1 2 |4.0-3.y,+2| 2
SAMAB:EAB'd(M’(AB)):l:>d(M,(AB)):g<:>| 42_?; |:g<:> o
\l M

Cau 359. Tinh dién tich AABC biét A(3 ;-4), B(1; 5), C(3; 1):

wls @

A. 10. B.5. C. \26. D.24/5.
Huéng dan:Chon B
Chon B.

Taco AC = 0;5) = n= (1;0) 1a vécto phap tuyén ciia AC

Phuong trinh dudng thing AC: x—3=0= S, ,. = %d(B, AC) ‘E‘ =5

Ciu 360. Khoang cach giita 2 dudng thang: A :3x-4y=0va A, :6x-8y—-101=0

A. 1,01 B. V101. C. 10,1 D. 101
Huwéng dian:Chon C
Chon C.

0(0;0) e AL,A /A, = d(A,A,)=d(0,A,)=10,1
HINH CHIEU - POI XUNG
Céu 361. Cho diém M (1;2)va duong thing d:2x+y—5=0. Toa do cia diém dbi xtmg voi diém M

(29

qua d la:

A. 2,2 . B. —z;é . C. 0;3 .
55 55 5

Huwéng din giai
Chon A.
Tathiy M ¢d .

Goi H (a,b) 1a hinh chiéu cua diém M 1én duong thing d .
Ta c6 duong thing d :2x + y—5=0 nén co vtpt: n = (2:1)

Suy ra ﬁ(—l; 2) la vecto chi phuong ctia duong thang d

a=

MH1lu |MHu=0 |[(-1)(a-1)+2(b-2)=0 [-a+2b-3=0
& & &
Hed Hed 2a+b-5=0 2a+b-5=0

b=



Cau 362.

Cau 363.

—

1

3

Do do H(

(RN

o W

Goi M’(x,y)
7 1+x 9
= X

di xtmg v6i M qua dudng thing d . Khi d6 ta c6: H 1a trung diém cua MM’

fl 22 < iz
_=t) _1<
5 2 Y75

Ta co:

Vay toa d6 diém ddi xing véi M qua d 1a M(%%)

Cho dudng thing d:2x-3y+3=0 va M (8; 2). Toa d clia diém M’ ddi xtmg v6i M qua
d la:
A. (—4;8). B. (—4;-8). C. (49) . D. (4;,-8) .

Huéng din giai
Chon C.
Ta théy hoanh do va tung do cua diém M' chi nhan mét trong 2 gia tri nén ta co thé lam nhu
sau:
Puodng thing d c6 1 VIPT n(2;-3), Goi M '(x;y) thi MM '(x—2;y+3)

M' @6i xtng voi M qua d nén MM '(x—2;y+3) va n(2;-3) cing phuong khi va chi khi

x-2 +3 28-2
R T e

Thay y =8 vaotadugc x=4
Thay y=-8 véo thiy khong ra ding x = +4.
Cach 2:
+ptdt A di qua M va vudng goc voi d 1a: 3(x—8)+2(y—-2)=0<3x+2y—-28=0.
+Goi H=d A= H(65).
+ Khi d6 H 1a trung diém cta doan MM’ Ap dung cong thirc trung diém ta suy ra
{xM, =2x,—x, =12-8=4

. Vay M'(4;8).
Yur :2yH —VYu =10-2=38

Toa d¢ hinh chiéu cua M (4;1) trén duong thing A: x—2y+4=0 la:
A.(14:-19). B. (2:3). c. (1417} p. (1417}
55 55
Huwéng din giai
Chon C.

Puong thing (A) ¢6 1 VIPT n(1;-2), Goi H(2¢—4;¢) 1a hinh chiéu cia M (4;1) trén duong
théng (A) thi MH(2t—8;¢—1)
H(2t—4;¢) 14 hinh chiéu ciia M (4;1) trén dudng thang (A) nén MH (2t —8;¢—1) va n(2;-3)

cung phuong khi va chi khi 28 :ﬂ@tzﬂ —~H 14 17
1 -2 5



. . x=2+2t
Cau 364. Tim hinh chicu ctia 4(3;-4) lén duong thang d :{ . Sau day 1a bai giai:
y=-1=
Buéc I: Laydiem H (2+26,—1-t) thude d . Tacd AH = (2¢t—1;~¢+3)
Vecto chi phuong cia d 1a u = (2;-1)
Bude 2: H 1ahinh chiéu cia A trén d < AH L d < u.AH =0
<2(2t-1)-(-t+3)=0=1=1
Buéc 3: Véit=1tacoH (4, —2). Vay hinh chiéucua 4 trén d 1aH (4; —2) .
Bai giai trén dng hay sai ? Néu sai thi sai tir budc nao ?
A. bung B. Sai tir bude 1 C. Sai tur budc 2 D. Sai tir budce 3
Huéng din giai
Chon A.
Bai giai trén dlng.
Céu 365. Cho hai duong thing d:x+2y-1=0, d,:x-3y+3=0. Phuong trinh dudng thang d ddi
xung voi d, qua la:
A.x-7y+1=0. B.x+7y+1=0.
C.7x+y+1=0. D. 7x—y+1=0.
Huéng din giai
Chon B. .

Goi 7 1a giao diém cua hai duong thangd,,d,. Toa .
do diém 7 1a nghi¢m cua hé: | .
x+2y—-1=0 34
=1 -—=;=
x=3y+3=0 55 n

Léy diém M (1;0) e d, . Pudng thing Aqua M va

vudng goc void, co6 phuong trinh: 3x+y -3 =0.
GoiH =And,, suy ratoa do diém H 1a nghi¢m

-3y+3=0
cua hé: ooy :>H(§;g)
3x+y-3=0

Phuong trinh dudng thing d : 5 cédang:3x+y—1=0.

Cau 366. Cho hai duong thing d:x+2y—-1=0, d’:x—2y—1=0. Cau nao sau day ding ?
A. d va d' d6i xtmg qua O B. d va d’ d6i xtmg qua Ox .
C. d va d' i xang qua Oy . D. d va d' d6i xting qua duong thing y = x.
Huéng din giai
Chon B.
Puong thing d NOx = A(L0)ed'

Lay diém M(o;%] ed= D, (M)= N(O;—%j ed'



Cau 367.

Cau 368.

Cau 369.

Cau 370.

. x=1+3t¢ . .
Cho duong thang A :{ 5 va diém M (3;3). Toa do hinh chi€u vudng goc cia M trén

duong thang A la:
A.(4-2) B. (1;0) C. (-22) D. (7;-4)
Huéng din giai.
Chon B.
Goi H 13 hinh chiéu cia M trén A. Tacod: H e A= H(1+3t;—2t),]\7ﬁ =(—2+3,-3-21)
Puong thiang A cé vecto chi phuong 13 u = (3;-2).
MH Lu< MHu=03(-2+3t)-2(-3-2t)=0 13t =0 <t =0= H(1;0).

. x=2-3t . N . .
Cho duong thang A :{ o Hoanh d9 hinh chiéu ctia M (4;5) trén A gan nhat véi so nao
y=1+
sau day ?
ALl B. 1,2 C. 1.3 D.15
Huéng din giai.
Chon D.

Goi H 1 hinh chiéu cua M trén A. Tac6: H € A= H(2-3t1+2¢), MH =(-2-3t;—4+2¢)

Dudng thing Acé vecto chi phuong 1a u = (3;-2).

mj_ﬁamﬁ=0<:>3(—2—3t)—2(—4+2t)=0<:>—13t+2=0<:>t=%:>H(%;%).

o , x=t-2 L ,
Cho diém 4(-1;2) va duong thang A:y . Tim diém M trén A sao cho AM ngin
nhét.

Buéc 1: Diém M (1-2;—t-3)eA

Budc2: Co6 MA* =(t 1) +(—1-5) =22 +8t+26=1* +4t +13=(1+2)" +9>9

Buéc 3: MA*>9 < MA>3.

Vay min(MA4)=3 khi t=-2. Khi d6 M (-4;-1).

Bai giai trén dung hay sai ? Néu sai thi sai ¢ dau ?

A. Dung B. Sai tir bude 1 C. Sai tur budc 2 D. Sai ¢ buoc 3
Huéng din giai.

Chon C.

biém M (1-2;—t-3)eA

CoO MA* =(t-1) +(—t—5) =22 +81+26 =2(¢* +4r+13) =2(1+2)" +18 218

MA* >18 < MA >332 . Vay min(MA) =342 khi £=-2. Khi d6 M (~4;-1).

Sai tir budce 2.

o , x=2+21 .
Tim hinh chiéu ctua A(3; 4) 1én duong thang d : 1= Sau day la bai giai:
y=-1=

Buéc I: Ly diém H(2+2t;—1—1)thuded . Tacd AH =(2¢t—1;-1+3)



Céu 371.

Céu 372.

Céu 373.

Cau 374.

Vecto chi phuong cta d 13 u = (2;-1)
Buwéce 2: H 13 hinh chiéu ciia 4 trén d
S AH 1d o udH=052(2t-1)—(~t+3)=0c1=1
Budc 3: Véit=1tacod H(4-2).
Vay hinh chiéu ctia 4 trén d 1a H (4;-2).
Bai giai trén ding hay sai ? Néu sai thi sai tir budc nao ?
A. Bung B. Sai tir budce 1 C. Sai tur budce 2 D. Sai tur budc 3
Huéng din giai.
ChonlA
bung.
Cho dudng thing d : 2x—3y+3=0 va M (8;2). Toadd clia diém M' dbiximg véi M qua d 1a
A. (-4 8). B. (—4;-8). C. (48). D. (4;-8).
Huéng din giai:
Chon C.
Goi d' qua M vavudng goc vi d nén d':3x+2y—-28=0

Goi H=dnd' = H(6;5)
Vi M’ d6i ximg véi M qua d nén H 1a trung diém ciia MM’ suy ra M'(4;8)

GOC GIUA HAI PUONG THANG
Cho hai duong thing d: x+2y+3=0,d": 2x+ y+3=0. Phuong trinh cac duong phan giac

clia cac goc tao boi d va d' la:

Ax+y=0,x—y+2=0. B. x-y=0;x+y+2=0.

C.x+y+2=0x-—y=0. D. x+y-2=0;x—y—-1=0.
Hudéng din giai

Chon C.

Phuong trinh cac dudng phan gidc cta cac goc tao boi d va d' la:

|x+2y+3|:|2x+y+3|<:> X+2y+3=2x+y+3 <:{x—y=0

JE+22 J1P+2? x+2y+3=—(2x+y+3) " [x+y+2=0

Tinh goc giita hai duong thang: 3x+y—1=0 va 4x—2y—4=0.

A. 30°. B. 60°. C. 90°. D. 45°.
Hudéng din giai

Chon D.

Puong thang: 3x+y—1=0 co vipt n, = (3;1)

Duong thang: 4x—2y—4=0 co vipt i, =(4;-2)

S|

1|.ﬁ2| =L :>(d,;d2)=450
-

TAEING

cos(d,;d,) = |(:os(ﬁ1 i, )| =

S)

. x=2+t
Tim c6sin goc gitta 2 duong thang A,: 10x+5y—1=0va Az:{ 1—g"
y=1=



. i B. —\/E C.—3\/E. D. 3
10 10 10 5
Huéng din:
Chon C.
Vecto phap tuyén ciia A, A, 1an luot 1a n, = (2;1),n, = (1;1)
oy ] 3
cos(Al,Az):‘cos n,n, ||==—=—=
(o) || 10
Cau 375. Tim cosin goc gitta 2 duong thing A x+2y—\/§ =0vaA,: x-y=0.
0] B. V2. .32 .Y
10 3 3
Chon A.

Ciu 376. Cip duong thing nao dudi ddy la phin gidc cua cic goc hop bsi 2 duong thing
A 3x+4y+1=0va A, :x-2y+4=0.
A. B+V3)x+22=5)y+1+4J5=0 va 3=/5)x+22+/5)y+1+4J5=0.
B. G++/5)x+22-5)y+1+4/5=0 va B=/5)x+22+/5)y+1-4J5=0.
C. B3=V5)x+202-5)y+1+4/5=0 va B+/5)x+22+~/5)y+1-4J5=0.
D. B+V5)x+2Q2+/5)y+144J5=0 va 3=/5)x+2(2=/5)y+1-4/5 =0.
Huwéng din:
Chon B.
Cip duong thing 1a phéan gidc cta cac goc tao boi ALA, la
3x+dy+l]_|x—2y+4]| 3x+4y+1=/5(x—=2y+4) - 3x+4y+1=/5(x-2y+4)
x+4y+1=—/5(x-2y+ x+4y+1=—/5(x-2y+
5 V5 Ix+dy+1=—5(x—2y+4 Ix+dy+l=—5(x—2y+4

Céu 377. Tim cosin giita 2 duong thang A 2x+3y—-10=0 va A,: 2x-3y+4=0.

7 6 5
A, —. B. —. C. V13. D. —.

13 13 13
Chon D.

Cau 378. Tim goc giira 2 dudng thang A, : 2x+23y+~/5=0va A,: y—/6=0

A. 60° . B. 125° . C. 145°. D. 30°.
Chon D.
, x=2+t » ) , .
Cau 379. Cho duong thang d : 3 va 2 diém A(1; 2), B(-2; m). Pinh m d¢ 4 va B nam
y=1=

cung phia d6i véi d .
A.m < 13. B. m>13. C..m>13. D. m = 13.

Huwéng din:
Chon A.
Phuong trinh tong quét ctia duong thang d:3(x—2)+1(y—1)=0



hay d:3x+y—-7=0 . A, B cung phia véi
doGx,+y,-7Bx,+y,-7)>0 2(-13+m) >0 m<13

Ciéu 380. Tim goc giira hai duong thang A: x+\/§y:0 va A,: x+10=0.

A. 45°. B. 125°. C. 30°. D.60°.
Chon D.

Cau 381. Tim goc giita 2 duong thang A,: 2x—y—10=0va A,: x-3y+9=0
A. 60°. B. 0°. C. 90°. D. 45°.
Chon D.

Cau 382. Tim cosin goc gitta 2 duong thing A ix+2y=T7=0va A,:2x—-4y+9=0.

A2 B. = c.L. D. >
5 J5 5 J5

Huéng dan giai: Chon A.

Chon A.

Vecto phép tuyén ctia dudng thing A la nT =(1;2)
Vecto phép tuyén ctia dudng thing A, la nj =(2;-4)

n,.n, 3

DD

Goi ¢ la goc glta A,A,: cosp =

Cau 383. Cho doan thing 4B voi A(1;2),B(-3;4) va dudng thing d:4x—7y+m=0. Pinh m d& d

va doan thang AB c6 diém chung,

A.10<m<40. B. m>40 hoac m<10.
C. m>40. D. m<10.

Hudng dan giai: Chon B.

Chon A.

Puong thingd va doan thang AB c¢6 diém chung
< A,B nam vé hai phia ctia duong thing d
S @-14+m)(-12-284+m) <0< 10<m<40.

Ciu 384. Cip dudng thang nao dudi day 1a phan gidc cua cac goc hop boi duong thang A:x+y =0 va

truc hoanh Ox .

A. (1442)x+y=0; x—(1-+2)y=0. B. (1+vV2)x+y=0; x+(1-~/2)y=0.
C. 1+2)x-y=0; x+(1-+2)y=0. D. x+(1++/2)y=0; x+(1-+2)y=0.
Hwéng din gidi: Chon D.
Chon D.
Goi M (x;y) la diém thudc dudong phan giac
+
:>d(M,A):d(M,Ox):M:M:x+(li\/§)y:0
2
, . . x=m+2t . . .
CAu 385. Cho doan thang AB v6i A(1;2),B(-3;4) va duong thang d:{ ~ . Dinh m dé d cat

doan thang AB .
A. m<3. B. m=3. C. m>3. D. Khong c6 m nao.



Huéng dan giai: Chon D.

Chon D.

Dang tong quat ciia duong thang d: x+2y—-m—2=0

Puong thangd va doan thang AB c6 diém chung

< A, B nam vé hai phia ctiia duong thang d

S (1+4-m-2)(-3+8-m—-2)<0<= 3-m)3—m)<0(VN)

, x=10-6¢
Cau 386. Tim goc gitta 2 duong thang A, :6x—-5y+15=0va A, :{ 145
y=1+
A. 90°. B. 60°. C. 0°. D. 45°.
Hudng dan gidi: Chon A.
Chon A.

Vecto phap tuyén cta duong thang A, 1a nT =(6;-5)
Vecto phap tuyén cia duong thang A, 1a Z =(5;6)

Tacod mn,=0=A, LA,.

. . . x=15+12¢
Cau 387. Tim coOsin goc gitta 2 duong thang A, :3x+4y+1=0 va A, : 1+
y=1+
A.E. B.Q. C.i. D. —2.
65 13 65 65
Huwéng din giai: Chon D.
Chon D.

Vecto phép tuyén ctia dudng thing Al la nT =(3;4)
Vecto phap tuyén cta duong thing A, la nj =(5;-12)

233
65

Goi ¢ 1a goc gita A,,A,: cosp = |fini =
n|.|n,

Ciu 388. Cap duong thing nao dudi day 13 phan giac cta cac goc hop boi 2 dudong thing
Aix+2y-3=0vaA,:2x—y+3=0.
A.3x+y=0va x-3y=0. B.3x+y=0vax+3y—-6=0.
C.3x+y=0va —x+3y—-6=0. D.3x+y+6=0va x-3y—-6=0.
Huwéng din giai: Chon C.
Chon C.
Goi M (x;y) la diém thuoc duong phan giac

|x+2y—3|_|2x—y+3|

NN

-x+3y—-6=0

=dM,A)=d(M,A,)=

=>x+2y-3=22x-y+3)=
3x+y=0

Ciu 389. Cho dudng thing d:3x+4y—-5=0 va 2 diem 4(1;3),B(2;m). Dinh m dé 4 va B nim cing
phia dbi voi d .



A. m<O0. B.m>—%. C. m>-1. D.m=——.

Hudéng din giai
Chon B.

A, B nam vé hai phia ciia duong thingd < 3+12-5)(6+4m—-5)<0 <= m> —%

Ciu 390. Cho A4BC véi A(1;3),B(-2;4),C(-1;5) va duong thang d:2x-3y+6=0. Duong thing d

cat canh nao cuia AABC?

A. Canh AC. B. Khong canh nao.

C. Canh A4B. D. Canh BC.
Huwéng din giai: Chon B.

Chon B.

Thay diém A4 vao phuong trinh duong thang d ta dugc —2
Thay diém B vao phuong trinh dudng thang d ta dugc —10
Thay diém C vao phuong trinh dudng thing d ta dugc —11
Cau 391. Tim goc gifta hai dudng thing x++/3y=0 va x+10=0?
A. 60°. B. 30°. C. 45°. D. 125° .
Huwéng din gidi: Chon A.
Chon A.
Vecto phap tuyén cta duong thang A, 1a nT =(1; NE) )
Vecto phép tuyén ctia dudng thing A, la nj =(1;0)

n.n,

]

Goi ¢ la goc gita A,A,: cosp = % = @ =060°
Cau 392. Tim goc gifta hai dudng thing d : 2x+2/3y+5=0 va A:y—6=0.
A.60° B. 30° C. 45° D. 125°
Huéng din giai:
Chon B.
Puong thing d c6 mot vecto phap tuyén: na = (1; NE) );

Dudng thing A c6 mét vecto phap tuyén: na = (0;1);

cos(in) =2V (5, ) =300
| nd | | na | 2
= Goc giita hai duong thing d va Ala 30°.
Céu 393. Tim goc giira hai duong thing d:2x—y—-10=0 va A:x—3y+9=0.
A. 30° B. 60° C. 45°. D. 125°.
Huéng din giai:
Chon C.
Dudng thang d ¢6 mét vecto phép tuyén: n =(2;-1);

Puong thing A c6 mot vecto phap tuyén: nx = (1,-3);



cos(ﬁd,ﬁA)= nans 21413 ﬂ:(?zd,;m)=45°.

lﬁdl-l?ulzJ22+(_1)2.J1+(-3)2 2

= Goc giita hai duong thang d va A 1a 45°,

, x=10—-6¢
Cau 394. Tim goc gitra hai duong thang 6x—-5y+15=0 va ?
y=1+5¢
A.90° B.30° C.45° D. 60°
Hwéng din gidi: Chon A
Chon A.

d, cd VTIPT n, =(6;-5) va d,c6 VTPT la n, =(5;6). Do n.n, =0=d, Ld,

, x=10-6¢
Cau 395. Tim goc gitra hai duong thang d,:12x—-10y+15=0 va d, :{ 1457 ?
y=1+
A.90°. B.30°. C.45°. D. 60° .
Hwéng din gidi: Chon A
Chon A.

d, ¢ VTPT n, =(12;-10) = 2(6;—5) vi d,c6 VIPT la n, =(5;6). Do n.n, =0=>d, L d, .

Ciu 396. Tinh cosin ciia goc giita hai duong thang d:x+2y-2=0vad,:x-y=0

A.@. B.ﬁ. C.ﬁ. D. 3.
10 3 3
Huwéng din gidi: Chon A4
Chon A.
CO VTPT n, =(1;2) va d,c6 VIPT 1a n, = (1;—1). Ta c6 cos(d,;d,) = |fl”i = 1£00 :
nl n2

Céu 397. Tinh cosin ctia goc giita hai duong thang d :2x+3y—-10=0 vad, :2x-3y+4=0?

5 6 5
A =, B. —. C. —. D. V13,
13 13 Vi3
Huéng din giai: Chon A
Chon A.
d, c6 VTPT n =(23) va d,c6 VTPT la n, = (2;-3). Ta cd cos(d,;d,) = ﬁl'”_,| ==
n||\n,
A r . 9 I3 .~ . \ 2 N .x = 2 +t
Cau 398. Tinh cosin cua goc gilra hai duong thang d, :10x+5y—-1=0 va d, : - ?
y=1=
o, 20 B2, c. Y10, p. 2.
10 5 10 10
Huéng dan giai:
Chon A.
d, cd VTCP u, = (~5;10) = —5(1;—2) va d,c6 VICP la u, = (I;—1).
wi, 310

Ta c6 cos(d,;d,) =

a

@| 10



Céu 399. Cho dudng thang D:3x+4y—5=0 va hai diém 4(1;3),M (2;m). Tim diéu kién dé diém M

va A nam cung phia d6i v6i dudng thang D ?

A.m>—l. B.n>-1. C.mz_—l. D. m<0.
4 4

Huéng din giai:

Chon A.

A va M nam cung phia voi D khi: (3+12-5)(6+4m—5)>0< m>—1/4

Ciu 400. Cho hai diém A(1;2) va B(-3;4) va dudng thingD: 4x—7y+m=0. Tim diéu kién ctia m
dé duong thang D va doan thing 4B c6 diém chung

A.10<m<40. B. m <10 hodacm >40.
C.m>40. D. m< 10.

Hwéng din giai:
Chon A.

Dé D vadoan AB co diém chung thi A va B phai nam khéc phia voi D
S @4-14+m)(-12-284+m)<0<=10<m <40 .

Cau 401. Cap duong thang nao dudi day 1a phan gidc cta cac goc hop boi hai duong thang x+2y—-3=0
va 2x—y+3=0.

A.3x+y=0 va—x+3y+6=0. B.3x+y-3=0va2x-y+3=0.
C.3x+y=0va —x+3y—-6=0 . D.3x+y=0va x+3y—-6=0.
Huwéng din giai:
Chon C.

x+2y-3 [2x—p+3] [x+2y-3=2x-y+3  [x-3y+6=0

= = =
Js Js xX+2y-3=-2x+y-3 3x+y=0
Céu 402. Cho hai duong thing 7x—3y+6=0, 2x—5y—4=0. Goc giita hai dudng thang trén 1a
Az B. 22 c.z. D. 2%,
4 4 3 3
Huéng din giai

Chon A.

Goi (A,):7x=3y+6=0, (A,):2x—-5y—4=0 ¢6 VTPT lan lugt la n, =(7;-3) va
n, =(2;—5) = gbc ¢ giita hai dwong thing dugc tinh

— |eos (i) = 72+(3)(-5)] V2 oz
e s e 2 4

Céu 403. Cho hai dudng thing d:3x—4y+12=0;d':12x+5y—20=0. Phuong trinh phan giac goc

nhon tao boi hai duong thang do 1a
A. 99x—-27y+56=0. B. 99x+27y-56=0.
C.llx+3y+7=0. D. 11x-3y-7=0
Huéng din giai:
Chon A.
Ta c6: u, =(3;-4) va u, =(12;5) 1a véc to chi phuong cua d,d’ va w1, =36-20>0

Nén phuong trinh phan giac cia goc nhon 1a



Cau 404.

Cau 405.

Cau 406.

Cau 407.

3x—4y+12 _ 12x+5y-20

& 99x-27y+56=0

5 13
Cho hai dudng thing d:x+2y+3=0,d":2x+y+3=0. Phuong trinh cac dudng phan giac
ctia cac goc taobdi d va d' la
A x+y=0; x—y+2=0. B.x—y=0; x+y+2=0.
C.x+y+2=0; x—y=0. D. x+y—-2=0; x—y—1=0.

Huéng din giai:
Chon C.
|x+2y+3| 3 |2x+y+3|

N5 N5

Ta c6: M (x,y) thudc duong phan giac khi d(M,d)=d(M,d") <

x—y=0
<:>|x+2y+3|=|2x+y+3|<:>
x+y+2=0
Cho hai duong thang d :x+3y—6=0 va d':3x+ y+3=0. Phuong trinh duong phan giac cia
goc tao bdi d va d' ndm trong mién xac dinh boi d, d' va chira gbc O 1a
A. 2x-2y+9=0. B. 4x+4y-3=0. C. 2x+2y+9=0. D. 4x+4y+3=0.
Huéng din giai:
Chon B.
Goi M (x,y) thudc duong phan giac cua d, d' khi
|x+3y—6| B |3x+y+3|
Jio Vo
2x-2y+9=0
4x+4y-3=0

d(M;d)=d(M;d") <
|x+3y—6|:|3x+y+3|<:>[

Cho dudng thing d:3x—4y—12=0. Phuong trinh c4c dudng thang qua M (2;-1) va tao véi
d mot géc 7 a
4
A. Tx—y—-15=0; x+7y+5=0. B. 7x+y-15=0; x-7y+5=0.
C.7x—y+15=0; x+7y—-5=0. D. 7x+y+15=0; x—7y-5=0.
Huéng din giai:
Chon B.
Goi n=(4;B) va A’ + B’ #0 1a véc to phap tuyén clia A
T 34—4B|
Ta co: cos—=
VB +42 A4+ B

) ) B=74

& TA"+484B-TB" =0
A=-7B

V6i B=7A4 chon A=1,B=7T=x+7y+5
V61 A=-7B chon 4=7,B=-1="7x—y—-15=0

& V2[34-4B|=5V4* + B

Cho hai duong thang d :7x+y+6=0 va d’:x— y+2=0. Phuong trinh duong phan giac goc
nhontao boi d va d' la

A. x+3y+8=0. B. 3x+y—-1=0.

C.3x—y+4=0. D. x-3y+1=0.



Cau 408.

Cau 409.

Cau 410.

Huéng din giai:
Chon C.
Taco: n, =(7;1) va m, =(1;-1) 1a véc to phap tuyén cia d va d' va n.n,=7-1>0
Nén phuong tinh dudng phan gidc cua goc nhon la:
Ix+y+6 = x—y+2

& 3x-y+4=0
J50 2
Cho hai dudng thaing 7x—3y+6=0,2x—5y—4=0. Goc giira hai duong thang trén 13
Az B. 2% c.z p. 2~
4 4 3 3
Huéng din giai:

Chon A.

7.2-3(-5
Ta co cos(d,d’)=M:£:(d,d')=£

V58429 2 4

Cho hai duong thang d:x—3y+5=0 va d’:3x— y+15=0. Phuong trinh dudng phan giac

goc tutao boi d va d’ 1a

A. x—y-5=0. B. x+y+5=0. C. x+y-5=0. D. x—y+5=0.
Huéng din giai:

Chon B.

Taco: n, =(1;-3) va n, =(3;-1) 1a véc to phap tuyén ctia d va d’ va n.n, =3+4>0

Nén phuong tinh dudng phan giac cia goc nhon la:

x=3y+5 3x—y+15
Jio Vo

Cho tam gidc ABC ¢6 AB:2x—y+4=0,; AC:x—2y—6=0.Bva C thuoc Ox . Phuong trinh

phan gidc ngoai cua goc BAC 1a

A. 3x-3y-2=0. B. x—y+10=0. C.3x+3y+10=0. D.x+y+10=0.
Huéng din giai:

S x+y+5=0

Chon A.
Do B,C e Ox= B(-2;0),C(6;0)Goi M (x;y) thudc dudng phan giac cua goc BAC

|2x—y+4| 3 |x—2y—6|

5 5

Ta co: d(M,AB)=d(M,AC)c> c>|2x—y+4|=|x—2y—6|

x+y+10=0
-~
3x-3y-2=0
Khi d6: (-2+10)(=6-2)<0 nén 3x-3y-2=0 la duong thang can tim



CHUYEN BE PHUONG PHAP TOA BO TRONG MAT PHANG
CHU DBE: PUONG TRON

A.TOM TAT LY THUYET.

1. Phwong trinh dwong tron.
e Phuong trinh dudng tron (C) tAm ](a;b) ,bankinh R 1a : (z — a)* + (y — b)* = R?
Dang khai trién ctia (C) 1a: 2° + > —2az —2by + ¢ = 0 V6i ¢ = a®> + 0> — R?
e Phuongtrinh 2> + 3> — 2az — 2by + ¢ = 0 v&i diéu kién a®> + b* — ¢ > 0, 1a phuong trinh
duong tron tim ](a;b) ban kinh R = va*> +b* — ¢
2. Phwong trinh tiép tuyén :
Cho duong tron (C): (z —a)’ + (y — b)* = R?
e Tiép tuyén A cua (C) tai diém M (xo Yo )lé duong thang di qua M va vudng goc véi IM
nén phuong trinh : A : (z, — a)(z — a) + (y, — a)(y —a) = R?
e A :az+by+c=0 latiéptuyéncia(C) < d(I,A) = R
e Duodng tron (C) : (z — a)* + (y — b)* = R? c6 hai tiép tuyén cing phuong véi Oy 1a
¢ = a + R.Ngoai hai tiép tuyén nay céc tiép tuyén con lai déu c6 dang : y = kz + m
3. Su twong giao ciia dwdng tron va dwong thing
Cho dudng thang (D): Ax+ By +C =0 va dudng tron (C): (x—a)2 +(y—b)2 =R’ c6 tam
I(a;b)

¢ (D)N(C)={M;N} < d(I;(D))<R

(D) (C)={M} = d(1:(D))=R
« (D)N(C)=@ < d(I;(D))>R
4. Vi tri twong d6i ciia hai dwong tron:

Cho duong tron (C,) c6 tm I,, ban kinh R, va duong tron (C,) c6 tdm 1,, ban kinh R, . Gia sir
R, >R, .Taco:

e Hai dudng tron tiép xtic < 1,1, = |Rl * R2|

e Hai dudng tron cit nhau R —R, <I,I, <R +R,



1. DANG 1: Nhan dang phwong trinh dwong tron, tim toa do tam va tim ban kinh cua duwong tron:
a-Phuong phap:
Phuong trinh vé dang: (C):x*+y* —2ax—2by+c=0 (1)

+ Xét dau biéu thic P=a*+b* —c

Néu P >0 thi (1) la phuong trinh dudng tron (C) 6 tam 7(a;b) va ban kinh
R=\a+b*-c

Néu P <0 thi (1) khong phai 1a phuong trinh duong tron.

Phuong trinh vé dang: (x—a)’ +(y—b)’ =P (2).

Néu P >0 thi (2) la phuong trinh dudng tron c6 tam (a;h) va ban kinh R=+/P
Néu P <0 thi (2) khong phai 1a phuong trinh duong tron.

b. Vi du minh hoa:
Vi du 1: Hay cho biét phuong trinh nao dudi day 1a phuong trinh ctia mot dudng tron va tim tim, ban
kinh cua duong tron tuong tng.
a) X’ + 1’ +xy+4x-2=0;
b) x*+y* —2x-4y+5=0;
¢) X’ +1°+6x—8y+1=0.
Loi giai
a)x” + y* +xy+4x—2 =0 khong phai 12 phurong trinh ctia mot dudng tron vi ¢d xy .

b) X’ +)° —2x-4y+5=0& (x—1)2 +(y—2)2 =0 khong phai 1a phuong trinh ciia mot duong
tronvi R=0.

2 2 2 2 2 \ N N N N
¢) X’ +) +6x—-8y+1=0<(x+3) +(y—4) :(2\/8) 1a phuong trinh cua duong tron tim
1(-3;4), ban kinh R=26.

Vi du 2: Trong cac phuong trinh sau, phuong trinh nao la phuong trinh dudong tron? Tim tdm va ban kinh

néu co.
1) ¥ +y"+2x-4y+9=0 (1) 2)x*+3>—6x+4y+13=0 (2)
3)2x° +2y* —6x—4y—-1=0 (3) 4)2x* +y* +2x-3y+9=0 (4)
Loi giai

1) Phuong trinh (1) ¢6 dang x° +y* —2ax—2by+c=0 véi a=-1; b=2; ¢=9
Tacd a’+b* —c=1+4-9<0

Vay phuong trinh (1) khong phai 1a phuong trinh duong tron.

2)Tacod: a*+b°—c=9+4-13=0

Suy ra phuong trinh (2) khong phai 1a phuong trinh duong tron.



3) Ta co: (3)<:>x2+y2—3x—2y—%:0

2
Suy ra: P:a2+b2—c:(ij +12— 1 =£>O
2 2 4

J15

Vay phuong trinh (3) 1a phuong trinh duong tron tam 7 (%;lj ban kinh R = —

4) Phuong trinh (4) khong phai 14 phuong trinh dudng tron vi hé s ctia x> va y* khac nhau.
Vidu 3: Tim tdm va tinh ban kinh cua cac dudng tron sau:
a)(x+3) +(y-3)"=36.
b) x> +(y+2) =5
Loi gii
a) Puong tron (x+3)* +(y—3)* =36 c6 tim la diém 7(-3;3), c6 bankinh R=6.
b) Duong tron x” +(y+2)° =5 ¢6 tam 1a diém 7(0;-2), c6 ban kinh R=+/5.

Vidu 4: Tim tam va ban kinh ctia cac duong tron sau:
a) x’+y’ —2x-2y-2=0. b) 16x*> +16y” +16x —8y =11.
Loi giai
a) Taco: X +y —2x—2y-2=0< (x> =2x+1)+(y’ -2y +1)=4
<::>(X—1)2+(y—1)2:22
Vay dudng tron ¢6 tam I(1;1) va ban kinh R =2.
b) 16x2+16y2+l6x—8y=11c>x2+y2+x—%y=%

, 11 , 1 1 1 11
SXHX+———Fy ——y+———=—
4 4 2716 16 2

1Y 1Y 93
SIx+—| +Hly——| =—
2 4) 16

J93

Vay duong tron c6 tam J(—%;ij va ban kinh R = Y

Vidu5: Cho phuong trinh x* + y* —2mx—4(m—2)y+6-m=0 (1)
a) Tim diéu kién ctia m dé (1) 1a phuong trinh dudng tron.
b) Néu (1) 1a phuong trinh dudng tron hay tim toa d¢ tam va ban kinh theo m
Loi gidi
a) Phuong trinh (1) 1a phuong trinh duong tron khi va chi khi @* +b* —c >0
Vi a=m;b=2(m-2);c=6-m

2 2 2 m>2
Hay m +4(m—2) —-6+m>05m" —15m+10>0<

m<1



b) Véi diéu kién trén thi dudng tron c6 tim ](m;2(m - 2)) va ban kinh: R = \/sz —15m+10
Viduy 6: Cho phuong trinh dudng cong (C,): x> +y° +(m+2)x—(m+4)y+m+1=0 (2)

a) Ching minh rang (2) 1a phuong trinh mot dudng tron
b) Tim tap hop tim cac duong tron khi m thay doi

¢) Chimg minh rang khi m thay d6i ho cac dudng tron (C,) luon di qua hai diém cd dinh.

Loi gidi
2 m+2Y (m+4Y (m+2) +4
a)Tacd a+b" —c=| - + -m—-l=———>0
2 2 2
Suy ra (2) 1a phuong trinh dudng tron voi moi m
m+2
X, =—
b) Puong tron co6 tam I: 2 suyra x;+y,—-1=0
m+4
Y= >

Vay tap hop tdm cac dudng tron 1a dudng thang A:x+ y—1=0
¢) Goi M (x,;y,) la diém c6 dinh ma ho (C,) ludn di qua.
Khi d6 ta co: x2 + y; +(m+2)x,—(m+4)y,+m+1=0, Vm
@(xo—yo—1)m+xf+y§+2xo—4yo+1:0, Vm

Xy =Y, +1=0 xo=—-1__ |x,=1
S T & hoac

Xy +yy +2x,—4y,+1=0 Y, =0 Vo =2

Vay ¢6 hai diém ¢ dinhmaho (C,,) luondiquavéimoimla M, (~10) va M, (1;2).
¢) Bai tap tric nghiém:
Cau 1:  Phuong trinh nao sau day la phuong trinh ctia duong tron?
(D) x> +y* —4x+15y-12=0.
(1) x* +y* -3x+4y+20=0.
(IIT) 2x*> +2y° —4x+6y+1=0.
A. Chi (I). B. Chi (ID). C. Chi (II). D. Chi (I) va (11I).
Loi giai
Chon' D

2
(1) co: a2+b2—c=4+(1?5j +12=¥>0

2 2
(II)co: a* +b* —c= 3} f[2) —20=-2 <9
2 2 4



Cau 2:

Cau 3:

1 2
() < x* +y2—2x—3y+5:0,phufo’ng trinh nay c6: a’ +b° —c=1+(%j -——=

Vay chi (1) va (/II') 1a phuong trinh dudng tron.

Pé x> +y*> —ax—by+c=0(1) 1a phuong trinh dudng tron, diéu kién can va du la

A. a’+b*—c>0. B. a*+b*—c>0. C.a*+b*—4c>0. D.a’+b*+4c>0.
Loi giai

Chon C

Ta co:

X +y'—ax—by+c=0 (1)

2 2 2 2
=% —2.%.x+(§) +y° —2.§.y+(2j —a——b—+c=0

aY bY o b’
S|lx——= |+ y—=| =—+—-c
2 2 4 4
1 9 az 2
Vay diéu kién dé (1) 1a phuong trinh duong tron: 74_7 —c>0a’+b*—4c>0

Phuong trinh nao sau day la phuong trinh duong tron?

A X'+ —x—y+9=0. B. X’ +)’-x=0.

C. x*+y"—2xy—1=0. D. X’ —y*—2x+3y-1=0.
Loi giai

Chon B

Loai C vi ¢6 sb hang —2xy.

1 .
CauA: a=b=—,c=9=a" +b’ —c <0 nén khong phai phuong trinh duong tron.
Cau D: loai vi c6 —y”.

1
CauB: a :E, b=0,c=0=a’+b" —c >0 nén la phuong trinh duong tron.

Phuong trinh x* + y* —2(m+1)x —2(m+2)y +6m+7 = 0 1a phwong trinh dwong tron khi va chi khi

A. m<O. B. m<I1. C. m>1. D. m<—1 hodac m>1.
Loi gidi

Chon' D

Ta co:

x2+y2—2(m+l)x—2(m+2)y+6m+7=0 (1)

< x —2(m+1)x+(m+1)2 erz—2(m+2)y+(m+2)2 —(m+1)2 —(m+2)2+6m+7=0

<:>[x—(m+l)]2 Jr[y—(erZ)]2 =2m* -2



; . <-1
Vay diéu kién dé (1) 1a phwong trinh dudng tron: 2m* —2 >0 < [m {
m >

Cau5: Cho duong cong (C,):x*+y” —8x+10y+m=0. V6i gid tri ndo ctia m thi (C,) la duong

tron c6 ban kinh bang 7 ?
A. m=4. B. m=8. C. m=-8. D. m=-4.

Chon C
Taco R=vV4 +5-m=7T<m=-8.

Cau 6: DPuodng tron 3x” +3y” —6x+9y—9=0 c6 ban kinh bang bao nhiéu?

AD B.>. C. 25, D. /5.
2 2
Léi gidi
Chon B

3x* +3)° —6x+9y-9=0 & x* +y*—2x+3y-3=0.

, (3Y 25 NP 5
Suyra P=1"+ 5 —(—3)=T>O.Vaybankmhla: R=E.

Cau7: Puongtron 2x> +2y° —8x+4y—1=0 co tdm 1a diém nao sau day?
A. (-84). B. (2;-1). C. (8-4). D. (-21).
Loi giai
Chon B
2x° +2y" —8x+4y—-1=0 @x2+y2—4x+2y—%:O.
Vay tam la: 7(2;-1).

Cau8: Cho hai diém A(-2;1), B(3;5). Tap hop diém M (x;y) nhin 4B dudi mt goc vudng nim

trén duong tron c6 phuong trinh 1a

A X+ —x—6y-1=0. B. X’ +) +x+6y—1=0.
C.x*+y" +5x—4y+11=0. D. Bép éan khac.

Loi gidi
Chon' A

Tap hop diém M (x; y) nhin AB duéi mot goc vudng nam trén dudng tron dudng kinh 4B va

tam 1a trung diém cua 4B .

.2 1
Toa do tam duong tron 1 trung diém cua AB: [ (5, 3] )



Ban kinh duong tron: R = > " =

2
Phuong trinh dudng tron: (x—%j +(y—3)2=% SX 4y —x-6y-1=0.

Cau9: Cho hai diém A(—4;2) va B(2;-3). Tap hop diém M (x;y) théa man MA> + MB* =31 ¢

phuong trinh 1a

A X+ +2x+y+1=0. B. x’+)" —6x-5y+1=0.

C.x"+y"—2x-6y-22=0. D. X+ > +2x+6y-22=0.
Loi giai

Chon A.

Ta c6: MA* + MB* =31
o (x+4) +(y-2) +(x=2) +(y+3) =31’ +)  +2x+y+1=0.

Cau10: Cho A(-10), B(2;4) va C(41). Ching minh ring tap hop céc diém M thod man
3MA® + MB* =2MC? 1a mdt dudng tron (C). Tim tinh ban kinh cua (C).

A. V107 B. 5. c. 2 p. 2.
2 2 4
Loi giai
Chon A

2

3MA® + MB* =2MC* < 3(x+1) +3y2 +(x=2) +(y—4)" =2(x-4) +2(y-1)

1
<:>x2+y2+9X—2y—131=0. Bén kinh ctia (C) la: R:%_

2. Dang 2: Lap phwong trinh cua duwong tron
a)Phwong phap:

Céch 1: + Tim ban kinh R ctia dudng tron (C)

+ Viét phuong trinh ciia (C) theo dang (x —a)* +(y—b)* = R*.

Cdch 2: Gia st phuong trinh duong tron (C) 1a: x* + y> —2ax—2by+c¢ =0 (Hoic
x>+ +2ax+2by+c=0).

+ Tir diéu kién ctia dé bai thanh 1ap hé phuong trinh véi ba an 1 a, b, c.

+ Giai hé dé tim a, b, ¢ tir d6 tim dugc phwong trinh duong tron (C).

*Ae(C)e 14=R

* (C) tiép xtc v6i dudng thing A tai A< IA=d(I;A)=R

* (C) tiép xuc vé6i hai duong thang A, va A, & d(1;A))=d(I;A,)=R



b) Vi du minh hoa:
Vi du 1: Viét phuong trinh cua duong tron trong moi truong hop sau:
a) Co tam (—2;5) vabankinh R=7;
b) C6 tam /(1;-2) va di qua diém A(-2;2);
¢) C6 duong kinh 4B, véi 4(—1;-3),B(-3;5);
d) C6 tam 1(1;3) va tiép xtic v6i duong thang x+2y+3=0.

Loi gidi
a) Phuong trinh cua duong tron la (x + 2)2 + (y - 5)2 =49.
b) Tacé Al =(3;-4), ban kinh ciia duong tron 13 R = /3? +(-4)" =5.
Phuong trinh cua duong tron 1a (x - 1)2 +(y+ 2)2 =25.

¢) Toa do trung diém 7 cia 4B la I(-2;1). Taco Al = (-1;4).

Bén kinh cta dudng tron la R = J(-1)" +4> =/17 .

Phuong trinh ciia duong tron la (x + 2)2 + (x—l)2 =17.

d) Co tam 7(1;3) va tiép xuc v6i duong thang x+2y+3=0.

Khoang cach tir tdim / dén duong thang x+2y+3 =0 bang ban kinh R = H+2.3+3] =2./5.

J5

Phuong trinh duong tron tam 7/ ban kinh R la
(x=1)"+(y-3) =20.
Vi du 2: Viét phuong trinh dudng tron trong mdi truong hop sau:
a) Puong tron tam /(3;-2) va di qua diém M (-11)
b) Buong tron tdm I(—1;2) va di qua diém M (2;1)
¢) Buong tron duong kinh 4B vé6i A(1;1), B(7;5).
d) Puong tron tam 7(1; —2) va tiép xtc voi dudng thang d :3x -4y -26=0.

Loi giai

a)Taco: R=IM =y(-1-3) +(1+2) =5.

Phuong trinh dudng tron tam /(3;-2) di qua M (-1;1) Ia (x—3)2 +(y+2)2 =25.
Vay chon dap an: B .
I(-1;2)

R=IM =\/[2—(—1)]2 +(1-2)" =410

b) Ta co



2

Phuong trinh dudng tron can viét 1a ()H—l)2 +(y—2)2 Z(\/E) S X+ +2x-4y-5=0.
Vay (C): x*+y* +2x—-4y-5=0.

¢) Ta co tam I 1a trung diém cta doan thing AB va ban kinh R=%.
N VR 7 M
Suy ra 2 2 =1=(43).
Vit Vg 1+5
=TIy =3
2
7-1) +(5-1)
R:AzB:\/( )2( ) _ /3.

Phuong trinh duong tron dudng kinh AB 1a
2
()C—4)2 +(y—3)2 :(\/E) S xP+y —8x—6y+12=0.
Két luan phuong trinh duong tron duong kinh 4B 1a x>+ y* —8x—6y+12=0.
3+8-26|

J9+16

Phuong trinh duong tron: (x—1)* +(y+2)* =9

d)Taco R=d(I,d)= 3.

Vi du 3: Viét phuong trinh duong tron trong mdi trudng hop sau:
a) Co tam / (1;—5) va di qua O(0;0).
b) Nhan 4B lam duong kinh véi A(1;1), B(7;5).
c) Di qua ba diém: M (-2;4), N(5;5), P(6;-2)
Loi giai
a) Puong tron can tim ¢ ban kinh 1a O = W =/26 nén co phuong trinh la
(x—1) +(y+5)" =26

b) Goi I 1a trung diém cta doan AB suyra / (4;3)

AL =\[(4=1) +(3-1)’ =13
Dudng tron can tim ¢6 dudng kinh 1a 4B suy rané nhan /(4;3) lam tdm va ban kinh
R = AI =13 nén c6 phuong trinh 1a (x—4)" +(y-3)" =13

¢) Goi phuong trinh duong tron (C) ¢6 dang 1a: x* + y> —2ax—2by+c¢=0 .

Do duong tron di qua ba diém M, N, P nén ta c6 hé phuong trinh:

4+16+4a—-8b+c=0 a=2
254+25-10a-10b+c=0<=+b=1
36+4—-12a+4b+c=0 c=-20

Vay phuong trinh duong tron can tim 1a: x* + y* —4x-2y-20=0



Nhin xét: D6i v6i ¥ ¢) ta co thé 1am theo cach sau
Goi 1 (x; y) va R 1a tdm va ban kinh dudng tron cAn tim

IM? = IN?

I 1p? nén ta co hé

Vi ]M=IN:IP<:>{

{(x+2)2+(y—4)2 —(x=5) +(y-5) @{Fz

(x+2)2+(y—4)2:(x—6)z+(y+2)2 y=1

Vi du 4: a) Trong mit phang toa do, cho tam giac ABC, véi A(6; —2),B(4;2),C(5;—5) . Viét phuong
trinh dudng tron ngoai tiép tam giac do.

b) Pudng tron ndo sau day di qua ba diém 4(3; 4), B(1; 2), C(5; 2)
Loi giai
a) Goi phuong trinh duong tron (C) c6 dang x* + y* —2ax —2by + ¢ = 0.

Vi duong tron (C) di qua ba diém A(6;—2), B(4;2), C(S;—S) nén ta c6 hé phuong trinh

2
6 +(-2) —2a.6-2b.(-2)+c=0 —12a+4b+c =—40 a=1
42 +2%-20.4-2b2+c=0 <1-8a—4b+¢c=-20 <ib=-2
52 +(—5)2—2a.5—2b.(—5)+c:0 —-10a+10b+c¢ =-50 ¢ =-20.

b) Gia st dudng tron di qua ba diém 4(3; 4), B(1; 2), C(5; 2) co6 dang:
x*+y* =2ax—2by+c=0, diéu kién a’> +b* —c>0
—6a—8b+c=-25 a=3
Theobairatacéd hé¢ \—2a—-4b+c=-5 <<b=2
—10a—-4b+c=-29 c=9

Suy ra dudng tron ¢6 tim 1(3; 2), ban kinh R=+/a’ +b* —c =2
Hay phuong trinh duong tron 1a (x—3)" +(y—2)" = 4.
Vi du 5: Viét phuong trinh duong tron (C) trong cac trudong hop sau:
a) (C) c6 tm 1(—1;2) va tiép xtc voi dudng thing A:x—2y+7=0
b) (C) di qua A(2;-1) va tiép xtic véi hai truc toa @ Ox va Oy
¢) (C) c6 tAm nam trén duong thang d : x—6y—10=0 va tiép xuc voi hai duong thang c6
phuong trinh d, :3x+4y+5=0va d,:4x-3y-5=0
Loi giai

a) Ban kinh duong tron (C) chinh 1a khodng cach tir I t6i duong thing A nén

-1-4-7] 2
RedUA) =" =5

4
Vay phuong trinh duong tron (C) la: (x + 1)2 + (y - 2)2 = 3



b) Vi di€ém A nam & goc phan tu thir tu va dudng tron ti€p xuc voi hai truc toa do nén tdm cia

duodng tron c6 dang [ (R;—R) trong do R 1a ban kinh duong tron (C).

R=1

Taco: R =4 < R* =(2—R) +(-1+R)’ @R2—6R+5:O@{R_5

Vay c6 hai dudng tron thoa man dau bai la: (x—1)" +(y+1)" =1 va (x=5) +(y+5)° =25
¢) Vi dudng tron cin tim c¢6 tim K nam trén dudng thang d nén goi K (6a +10; a)

Mit khac duong tron tiép xtc voi d,, d, nén khoang cach tir tam I dén hai duong thang nay
bang nhau va bang ban kinh R suy ra
a=0
3(6a+10)+4a+5| [4(6a+10)—3a-5|

= & [22a+35|=[21a+35| < ~70

5 5 a=
43

- Véi a=0 thi K(10;0) va R=7 suyra (C):(x—10)" +y* =49

2 2 2
- Véi a:_—70 thi K(E,_—mj va Rzl suy ra (C):(x—ﬁj +(y+7—0j =(1J
43 43 43 43 43 43 43

Vay c6 hai duong tron thoa man cé phuong trinh 1a

(C):(x—10)" +)* =49 va (C):(x—%jz +(y+1—2j2 =(%j2
Vi du 6: Cho hai diém 4(8;0) va B(0;6).
a) Viét phuong trinh duong tron ngoai tiép tam giac OAB
b) Viét phuong trinh dudng tron noi tiép tam giac OAB
Loi giai

a) Ta c6 tam giac OAB vudng & O nén tam I ctia dudng tron ngoai tiép tam giac 1a trung diém

ctia canh huyén AB suy ra /(4;3) va Bankinh R=14= \/(8 ~4) +(0-3)" =5
Vay phuong trinh duong tron ngoai tiép tam gidc OAB la: (x - 4)2 +(y— 3)2 =25
b) Taco O4=8; OB=6; AB=~8+6" =10

Mat khac %OA.OB = pr(vi cing bang dién tich tam giac ABC)

0OA.OB

Suyra r=———=
OA+OB+ AB

D@ thdy dudng tron can tim ¢ tam thudc goc phan tu thir nhat va tiép xuc véi hai truc toa do
nén

tam ctia duong tron c6 toa do 1a (2;2)

Vay phuong trinh duong tron ndi tiép tam gide OAB 1a: (x - 2)2 +(y- 2)2 =4



x=1+2¢t

Vi du 7: Cho dudng tron (C) c6 tim thugc duong thing d :{ va di qua hai diém 4(L;1) va

B(0;-2). Tinh ban kinh duong tron (C)
Loi giai
Viled=1I(1+213-1)
IA=1B <4 +(1-2) =(1+21) +(1-5) =1 =11
Bén kinh duong tron (C) 1a R=14=A/565.
Vi du 8: Tim phuong trinh dudng tron (C ) cotam / (—4;3) , tiép xtc truc Oy
Loi giai
Puong tron (C) cO tam I(—4;3), ban kinh R c6 phuong trinh: (x+4)2 +(y—3)2 =
Duong tron (C) tiép xtc vai truc Oy nén |—4| =R< R =16
Vay duong tron (C) c6 phuong trinh: (x+4)2 +(y—3)2 =16.

Vi du 9: Tim phuong trinh duong tron (C) di qua 4(1;3), B(3;1) va c6 tAm ndm trén duong thing

d:2x—y+7=0
Loi giai
Cich 1: Buong tron (C) ¢6 tdm (a;b), ban kinh R c6 phuong trinh 1a
(x—a) +(y=b) =R*(*)
Puong tron (C) di qua A(1,3), B(3,1) nén ta co (3_a)2 +(1_b)2 _ g (2)
Ly (1)-(2) taduoc a=5 (3)
Hon nirataco tdm / ed :2x—y+7=0 suyra 2a—b+7=0 (4)
Thay (3) vao (4) tadugc a=b=-7.Tu (*) taco R* =164
Vay duong tron (C) c6 phuong trinh: (x+7)2 +(y+7)2 =164.
Cich 2: Buong tron (C) ¢6 tdm I (a;b), ban kinh R c6 phuong trinh 1a
(x—a) +(y=b) =R*(*)
Ied:>l(a'2a+7)

AL =J(a=1) +(2a+4)" =5a> +14a+17
Bl =\|(a=3)"+(2a+6)’ =5a" +18a+45

Vi Al = Bl < AI* =BI? < 5a°> +14a+17=5a* +18a+45 < a=-7
Suy ra tam /(—7;-7), ban kinh R* = AI° =164

Vay duong tron (C) c6 phuong trinh: (x+7)" +(y+7)" =164,

Vi du 10: Trong mit phing toa dd Oxy, cho hai duong thang d, :x/§x+y =0.va d, :x/gx—y =0. Goi
(C) 1a duong tron tiép xuc voi d, tai A, cat d, tai hai diém B, C sao cho tam giac ABC vuodng tai. Viét

phuong trinh cua (C), biét tam gidc ABC c6 dién tich bang g va diém A c6 hoanh d6 dwong.

Loi giai



Vi 4ed, :>A(a;—\/§a), a>0; B,Ced, :>B(b;«/§b), C(C;\/EC)

Suy ra E(b—a;x/g(aﬂa)), R’(C—a;\/g(c+a))

Tam gidc ABC vudng tai B do d6 AC 1 dudng kinh ciia dudng tron

Do d6 AC Ld, = ACu; =0 ~1.(c—a)+3B(a+¢)=02a+c=0 (1)
ABLld, = ABu, =0 1.(b—a)+3(a+b)=0<2b+a=0 (2)

1 [

Mit khac SABC:%d(A;dz).BC:—. 3

3a > >
> ‘\/(c—b) +3(c—b) = & 2ale-b|=1(3)

Tu (1), (2) suy ra 2(c—b)=-3a thé vao (3) ta duoc a|-3a|=1< a= ?

Do d6 b=—£, c=—£:> A ﬁ;—l , C —ﬁ;—2
6 3 3 3
Suy ra (C) nhan 1(—%;—%} 1a trung diém AC lam tAm va ban kinh 1a R =%=1

2 2
Véy phuong trinh duong tron can tim 1 (C): (x + g} + (x + %) =1.

Vi du 11: Viét phuong trinh dudng tron qua ba diém A (1;2), B(5;2) va C(1;-3).
Loi gidi
Phuong trinh dudng tron ¢6 dang: x* +y” —2ax —2by +c¢ =0 (C)
Vi A(1;2) €(C) = 1+4-2a—4b+c=0
= 2a-4b+c+5=0 (1)
Vi B(5;2)e(C)=25+4—-10a—4b+c=0
= —10a—4b+c+29=0 (2)
Vi C(1-3)€(C) = 1+9-2a+6b+c=0
= —2a+6b+c+10=0 (3)

Da—4b+c+5=0 a=3

Vay ta gidi h¢ phuong trinh: < -10a—4b+c+29=0= b=—%

—2a+6b+c+10=0 _ 1



1

2
Phuong trinh (C):x’ +y? —6x+y—1=0c:>(x—3)2 +(Y+Ej =ﬂ.

Vi du 12: Viét phuong trinh dudng tron tiép xuc véi hai truc toa do O:, Oy dong thoi di qua diém
M(2;1).
Loi giai
Goi I(a;a) 1a tim ctia duong tron ban kinh bang R = |a|
Ta co: (x—a)2 Jr(y—a)2 =a’
Vi M(251)e(C)=(2-a) +(1-a) =a’
—a’-6a+5=0=a,=1,a,=5
* a =1, phuong trinh (C):(x —1)2 +(y—1)2 =1
* a=>5, phuong trinh (C): (X—S)2 +(y—5)2 =25.

¢) Bai tap tric nghiém:

Cau 1l: Duodng tron tdm 7/(3;—1) va ban kinh R =2 c¢6 phuong trinh 1a

A (x+3) +(y—1)? =4. B. (x=3)"+(y-1)° =4.

C. (x=3)+(y+1)’ =4. D. (x+3)+(y+1)°=4.
Loi giai

Chon C.

Phuong trinh duong tron c6 tam (3;—1), ban kinh R=2 la: (x —3)2 +(y+ 1)2 =4

Cau2: Duong tron tdm /(—1;2) va di qua diém M (2;1) c6 phuong trinh 1a

A. X+ +2x-4y-5=0. B. x’ +)° +2x-4y-3=0.

C.x*+y*—2x—4y-5=0. D. x*+y* +2x+4y-5=0.
Loi giai

Chon A.

Pudng tron c6 tam 7(~1;2) va di qua M (2;1) thi co ban kinh la: R = IM = \/3* +(-1) =10

Khi d6 c6 phuong trinh 1a: (x+1)" +(y-2)" =10 & x* + y? +2x-4y-5=0
Cau3: Cho hai diém A4(5;—1), B(-3;7). Puong tron c6 duong kinh AB ¢6 phuong trinh 14

A X+ =2x-6y-22=0. B. x’+)°-2x-6y+22=0.

C.x’+)*-2x—y+1=0. D. x> +3*+6x+5y+1=0.
Loi giai

Chon A.

Tam 7 cia dudng tron la trung di€ém AB nén I(1;3).

Ban kinh R :%AB =%\/(—3—5)2 +H(7+1) =42



Vay phuong trinh dudng tron 1a: (x—l)2 +(y—3)2 =32 x’+y" —2x-6y-22=0

Cau4: Duodng tron (C) tdm [(—4;3) va tiép xtic v6i truc tung c¢6 phuong trinh 1a

A X+’ —4x+3y+9=0. B. (x+4)’ +(y-3)* =16.

C. (x-4)’+(y+3)° =16. D. x*+y* +8x—6y—-12=0.
Loi giai

Chon B.

(C) tiép xtic v6iy'Oy vaco tam I(—4;3) nén: a=—-4,b=3,R= |a| =4,
Do dé, (C) c6 phuong trinh (x+4)" +(y—3)" =16.
Cau5: Duong tron (C) tam 1(4; 3) va tiép xuc v6i dudngthing A:3x—4y+5 =0 co phuong trinh 13

A, (x+4)°+(y-3) =1. B. (x—4) +(y-3)°=1.
C. x+4)°+(y+3) =1. D. (x—4) +(y+3)* =1
Loi giai
Chon B.
3.4-43+5
(C)co bin kinh R—d (1)< 22433 )

2

3’ +(—4)
Do d6, (C) ¢6 phuong trinh (x—4)* +(y-3)* =1.
Céu 6: Duodng tron (C) di qua diém A4(2;4) va tiép xtc véi céc truc toa do c6 phuong trinh 1a
A. (x=2)*+(y-2)* =4 hoic (x—10)’ +(y—10)> =100
B. (x+2)’ +(y+2)> =4 hoic (x—10)’ +(y—10)> =100
C. (x+2)’ +(y+2)’ =4 hoidc (x+10)* +(y+10)’ =100
D. (x-2)* +(y-2)* =4 hodc (x+10)’ +(y+10)> =100
Loi giai
Chon A.
(C):(x—a)2+(y—b)2 = R? tiép xuc v6i céc truc toa do nén |a|=|b|=R va diém
A(Z; 4) € (C ) nam trong goc phan tu thir nhat nén 1 (a;b) cling & goc phan tu thir nhat. Suy ra
a=b=R.Vay (x—a)2 +(y—a)2 =a’(C).
4e(C)=>(2-a) +(4-a) =a’ & a*~12a+20=0
:{a:z j[(x2)2+(y2)2:4
a=10 | (x=10)" +(y-10)" =100
Cau7: Duong tron (C) di qua hai diém A(1;3), B(3;1) va c6 tdm nam trén duong thing
d:2x—y+7=0 co phuong trinh la
A. (x=7Y+(y-7)°=102. B. (x+7) +(y+7)° =164.
C. (x=3)+(y-57=25. C. (x+3)°+(y+5)* =25.

Loi giai



Cau 8:

Cau 9:

Cau 10:

Chon B.
I(a;b)1a tm cua duong tron (C), do do:
AP = BI* = (a-1) +(b=3)" =(a-3)" +(b-1)’
Hay: a=b (). Ma I(a;b)ed:2x—y+7=0nén2a-b+7=0 (2).
Thay (1) vao 2)tacd: a=-7T=>b=-7=R> = AI’ =164.
Vay (C):(x+7) +(y+7) =164.
Pudng tron (C) tiép xuc voi truc tung tai diém A(0;—2) va di qua diém B(4;-2) c6 phuong
trinh 1a
A. (x=2) +(y+2) =4. B. (x+2)’ +(y-2)* =4
C.(x-3V+(y-2)=4D. (x-3) +(y+2)° =4
Loi gidi
Chon A.
Vi y, =y, =-2nénA4B L y'Oy va AB l1a dudngkinh cua (C). Suy ra I(2;—2) va ban kinh
R=14=2.Vay (C):(x-2) +(y+2) =4,
TAm cuia duong tron qua ba diém A(2;1), B(2; 5), C(-2; 1) thude duong thang cé phuong trinh

A x—y+3=0. B. x—y—3=0 C.—x+y43=0  D.x+y+3=0
Loi giai
Chon A.
Phuong trinh (C) ¢6 dang: x* +y* —2ax—2by+c=0 (a* +b* +¢>0). Tam I(a; b).
A(2;1)e(C) 4+1-4a-2b+c=0 a=0
( ) ( ) 44+25-4a—-10b+c=0< b=3:>](0;3)
C(—2, 1)e(c) 4+1+4a-2b+c=0 c=1

Lan luot thé toa dd I vao céc phuong trinh dé kiém tra.
Pudng tron di qua 3 diém A4 (0;2), B(2;2), C(1;1+ V2) ¢6 phuong trinh la

A. x2+y2+2x+2y—\/§:0. B. x’+)"-2x-2y=0.

C. x*+)°—2x-2y-2=0. D. x>+ +2x-2y+~/2=0.
Loi giai

Chon B.

Goi phuong trinh duong tron can tim ¢6 dang: x* + y* —2ax—2by+c¢ =0 (a2 +b*—c> O) :

Duong tron di qua 3 diém 4(0;2), B(2;2), C(L;1+ J2)nén ta cé:

4—4b+c=0 a=1
8—4a—-4b+c=0 < 9b=1

4+232-2a-2(142)p+c=0  (¢=0



Vay phuong trinh duong tron di qua 3 diém A(0;2), B(2;2), C(1;1+ J2) 1a
X +y —2x-2y=0
Céu 11: Duong tron di qua 3 diém A(11;8), B(13;8), C(14;7) c6 bankinh R béng
A 2. B. 1. C. 5. D. 2.
Loi giai
Chon C.

Goi phuong trinh duong tron can tim c6 dang: x* + y* —2ax—2by+¢ =0 (a2 +b*—c> 0) :
Puong tron di qua 3 diém A(l 1;8), B(13;8), C(14;7)nén ta co:

121464 -22a-16b+c=0 a=12
169+64—-26a—-16b+c=0<b=6
196+49—-28a—-14b+c=0 c=175

Tacé R=va’+b*—c =+/5

Vay phuong trinh duong tron di qua 3 diém A(l 1;8), B(l3;8), C(14;7) cobankinh 1a R=~/5
3. Dang 3-Vi tri twong d6i ciia diém véi duong thang, dwdng tron véi dwong tron
a) Phwong phap:

1 Vi tri twong déi ciia diém M va dwong tron (C)

Xéc dinh tdm I va ban kinh R cua duong tron (C) va tinh IM

+Néu IM <R suy ra M nam trong dudng tron

+Néu IM =R suy ra M thudc duong tron

+Néu IM > R suy ra M nam ngoai dudng tron

2 Vi tri twong déi giita dwong thang A va dwong tron (C)

Xéc dinh tdm I va ban kinh R cua duong tron (C) va tinh d (1;A)
+Néu d(I;A)<R suyra A cit dudng tron tai hai diém phan biét
+Néu d (] ; A): R suyra A tiép xuc voi duong tron

+Néu d (1; A) >R suyra A khong cit dudng tron

Chu y: S6 nghiém ctia hé phuong trinh tao boi phuong trinh dudng thang A va dudng tron (C)
bang sb giao diém cua chung. Toa d6 giao diém 13 nghiém cua hé.
3 Vi tri twong déi giita dwong tron (C) va dwong tron (C')

Xéc dinh tam I, ban kinh R ctua duong tron (C) va tam I', ban kinh R' cia duong tron (C') va
tinh 7', R+R',|[R—R/|

+Néu II'> R+ R’ suy ra hai duong tron khong cit nhau va ¢ ngoai nhau

+Néu II'= R+ R' suy ra hai duong tron tiép xtic ngoai v6i nhau



+Néu II'< |R -R '| suy ra hai duong tron khong cit nhau va 16ng vao nhau
+Néu I1'= |R -R '| suy ra hai dudng tron tiép xtc trong voi nhau
+ Néu |R -R '| <II'< R+ R' suy ra hai dudng tron cit nhau tai hai diém phan biét

Chii y: S6 nghiém ctia hé phuong trinh tao bai phuong trinh dudng thing (C) va dudng tron
(C") bang s6 giao diém cua chung. Toa dd giao diém la nghiém cua hé.
b) Vi du minh hoa

Vi dy 1: Cho dudng thing A:x—y+1=0 va dudng tron (C):x’+y* —4x+2y—-4=0
a) Chimg minh diém M (2; 1) nam trong dudng tron
b) Xét vi tri trong dbi gitta A va (C)

¢) Viét phuong trinh dudng thing A' vudng goc voi A va cat dudng tron tai hai diém phan biét
sao cho khoang cach cuia chung 13 16n nhat.
Loi giai

a) Puong tron (C) ¢6 tim 7(2;—1) va ban kinh R=3.

Tacoé IM = \/(2—2)2 +(1 +1)2 =2<3=R dodéM nam trong dudng tron.

2+1+1]|

JI+1

¢) Vi A' vudng goc v6i A va cat dudng tron tai hai diém phén biét sao cho khoang cach cua
chung 14 16n nhat nén A' vudng goc v6i A va di qua tdm I ciia dudng tron (C).

b) Vi d(I;A)= =242 <3=R nén A cit (C) tai hai diém phan bigt.

Do d6 A' nhan vecto u, = (1;1) lam vecto phap tuyén suy ra A':1(x—=2)+1(y+1)=0 hay
x+y—-1=0

Vay phuong trinh duong thang can tim 1a A':x+ y—1=0
Vi du 2: Trong mit phiang Oxy, cho hai dudng tron (C) X+ —2x-6y—-15=0 va
(C):x*+y*—6x-2y-3=0
a) Ching minh rang hai duong tron cét nhau tai hai diém phén biét A, B
b) Viét phuong trinh dudng thing di qua A va B
¢) Viét phuong trinh dudng tron di qua ba diém A, B va O
Loi giai

a) Cach 1: (C) ¢6 tam I(1;3) vabankinh R=5, (C) ¢6 tam 7'(3;1) va ban kinh R=+/13

'=y(3-1) +(1-3)’ =242
Ta thiy |R1 - R2| <l < |R1 + R2| suy ra hai duong tron cit nhau.

Cach 2: Xét h¢ phuong trinh



x4+ —6x-2y-3=0 x—y—-3=0

{x2+y2—2x—6y—15:0<:>{x2+y2—2x—6y—15=0
y=-2
y=3

2 2 _ 2 —
{(y+3) +37=2(y+3)=6y—-15=0 {y y-6=0 {
x=y+3

x:y+3 X:y+3

Suy ra hai duong tron cit nhau tai hai diém c6 toa d6 1a A(l; —2) va B (6;3)

b) Puodng thang di qua hai diém A, B nhan AB (5; 5) lam vecto chi phuong suy ra phuong trinh
x=1+5¢

duong thang can tim 13
y=-2+5t

¢) Cach 1: Puong tron can tim (C") ¢6 dang x* + y* —2ax—2by+¢ =0

1+4-2a+4b+c=0
(C")di quabadiém A, BvaOnéntacohé {36+9—12a—6b+c=0<1b=
c=0

Vay (C"): x> +y° =7x-y=0

Céach 2: Vi A, B 1a giao diém cua hai duong tron (C) va (C') nén toa do déu théa man phuong
trinh

x4y =2x—6y—15+m(x’ +)" —6x—2y—3)=0 (¥)

Toa d¢ diém O théa man phuong trinh (*) khi va chi khi —15+m.(-3)=0< m=-5

Khi d6 phuong trinh (*) tro thanh x* +y* = 7x—y =0

Vay phuong trinh dudng tron can tim 1a x> + y* = 7x—y =0
Vi du 3 : Cho duong tron (C):x”+)* —4x—2y=0 va dudng thing d:x+2y+1=0. Xét vi tri twong
ddicua d va (C).

Loi giai

Puong tron (C) ¢ tam 7(2;1) va ban kinh R=+/5 .

2+2.14
V1P +2°

Vi du 4: Cho duong tron (C):(x—4) +(y—3) =5 va duong thing d:x+2y-5=0. Tim toa do tiép

Taco: d(1,d) =/5=R nén d tiép xtc (C).

diém cua duong thing d va dudng tron (C)
Lo gidi
Tr d:x+2y-5=0 = x=5-2y thé vao phuong trinh duong tron ta dugc:
(1-2y) +(y-3)" =5 &5 -10y+5=0 < y=1=x=3.
Vay toa do tiép diém cua duong thang d va dudng tron (C) 1a M (3;1).



Vi du 5: Cho dudng tron (C):(x—1)"+(y+3) =10 va dudng thing A:x+y+1=0 biét duong thing A
cit (C) tai hai diém phan biét 4, B. Tim do dai doan thing 4B
Loi giai
Puong tron (C) 6 tam 7(1;-3) va ban kinh R = 14=+/10.
Goi H la trung diém day cung AB.

Taco: IH=d —|1_3+1|— !
' G 1 A2

Tam giac AIH vudng tai H nén AH = 10—% =§.

bo dai doan théng AB=2A4H =/38.
Vi du 6: Cho duong tron (C):x’+)°—2x+4y—-4=0 c¢6 tim 1 va duong thang
A:\/§x+my+1—\/§=0

a) Tim m dé duong thang A cat duong tron (C) tai hai diém phan biét A, B

b) Tim m dé dién tich tam gidc I4B 14 16n nhat

Loi giai

A

a) Puong tron (C) 6 tim 7(1;-2), ban kinh R =3
A cit (C) tai hai diém phan biét khi va chi khi
|J§ dm+1-+2 |
<3
2+ m?

& 5m® +5m+17 >0 (ding v6i moi m)

d(I;A)<R<

b) Taco S,,; :llA.IB.sinZI?} =2sin2173 < 2
2 2 2
Suy maxS,,, =% khi va chi khi sin A7B =1 <> AIB = 90"

Goi H 14 hinh chiéu ctia I 1én A khi 46 AIH =45° = [H = [4.cos45° = ——

Sl

|1—2m| 3 5
=—&m +8m+16=0m=-4

& —=
N2 +m? V2
Vay véi m = —4 théa man yéu cau bai toan.
Vi dy 7: Cho dudng thing d:y—2x+1=0 cit dudng tron (C):x” +y’ —4x—2y+1=0 tai hai diém
M, N . Tinh d§ dai doan MN.

Taco d([;A)=IH



Loi giai
Taco: d:y=2x-1
Phuong trinh hoanh d¢ giao diém cua d va (C):

x?+(2x 1)’ —4x—2(2x~1)+1=0

X, =2=y, =3
S5 -12x+4=0= 2 1
Xz:§:>}’z=—§

Vay duong thing d cét duong tron (C) tai M(2;3) va N(%;—lj

5
2 2
Do @6 MN = (2—gj +(3+l) :%.
5 5 5

¢) Bai tap tric nghiém:

Caul: Cho duong tron (C):(x+1)*+(y—3)* =4 va duong thing d :3x—4y+5=0. Phuong trinh cua
dudng thiang d' song song voi dudng thang d va chin trén (C) mot ddy cung c6 do dai 16n nhit
la
A. 4x+3y+13=0.  B.3x-4y+25=0. C.3x—4y+15=0. D.4x+3y+20=0.

Loi giai

Chon C.

(C) cothm I(-1;3) va R=2.d"//d = d':3x—4y+c=0.

Yéu cau bai toan c6 nghia la d’ qua tim I(—l; 3) cua (C), ticla: -3-124c=0=c=1

Vay d':3x—4y+15=0.

Cau2: Tim toa do giao diém ciia duong thang A:x—2y+3 =0 va dudng tron(C): x* + y> —2x -4y =0

A. (3;3) va (-L1). B. (-L1) va (3;-3). C.(3;3) va (L1). D. (1) va (2;-1).
Loi giai

Chon A.

Toa d6 giao diém 1a nghiém ctia hé phuong trinh sau

x-2y+3=0 x=2y-3
=
Xyl =2x-4y=0 " |(2y-3) +»*-2(2y-3)-4y=0

2—4 = =1 :3
= Y y+3 0<:> Y hodc Y
x=2y-3 x=-1 3

Vay toa do giao diém 1a (3;3) va (-11).

Cau3: Cho duong tron (C):x* +y* —4x—6y+5=0. Puong thang d di qua A(3;2) va cit (C) theo
mot day cung ngan nhit co phuong trinh 1a
A. 2x-y+2=0. B. x+y-1=0. C.x-y-1=0. D. x—y+1=0.



Cau 5:

Chon C.

f(x;y)=x2+y2—4x—6y+5.

f(3;2)=9+4-12-12+5=-6<0.

Vay 4(3;2) ¢ trong (C).

Day cung MN ngin nhit < IH 1én nhat < H = 4 < MN c6 vecto phap tuyén 1a
f;lz(l;—l).Véy d c6 phuong trinh: 1(x-3)-1(y-2)=0<x—y—-1=0.

Cho duong tron (C):x*+y* +6x—2y+5=0 va duong thang d di qua diém A(—4;2), cét
(C) tai hai diém M, N sao cho A 1a trung diém ciia MN . Phuong trinh ctia dudng thiang d 1a
A. x-y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x-y+35=0.

Loi gidi
Chon A.
(C) cotam 1(-3;1),R=+/5.Dod6, I4=2 <R= 4 ¢ trong (C).
A 1a trung diém ctia MN = I4 L MN = I4 =(~1;1) 1 vecto phap tuyén ctia d , nén d c6
phuong trinh: —1(x+4)+1(y+2)=0<= x—y+6=0.
Cho duong tron (C): x> + y* —4x+6y—3=0. Ménh dé nao sau day ding?
(I) Piém A(1;1) nam ngoai (C).
(ID) Piém O(0;0) nam trong (C).

(I) (C) cit tryc tung tai hai diém phan biét.
A. Chi (I). B. Chi (II). C. Chi (TID). D. Ca (1), (IT) va (TID).

Loi giai
Chen  D.
bat f(xy)=x"+)"—4x+6y-3
f(L1)=1+1-4+6-3=1>0= 4 & ngoai (C).
£(0;0)=-3<0=0(0;0) ¢ trong (C).

x=0=> )" +6y—3=0. Phuong trinh nay c6 hai nghiém, suy ra (C) cdt 'Oy tai 2 diém.



Cau 6:

Cau 7:

Cau 8:

Cho dudng tron (C):x* + y* —2x+6y+6=0 va duong thing d :4x—3y+5=0. Duong thing
d' song song v6i dudng thing d va chin trén (C) mot diy cung c6 do dai bing 243 ¢6

phuong trinh 1a
A. 4x-3y+8=0. B. 4x—-3y—-8=0 hoac 4x—-3y—18.
C.4x-3y-8=0. D. 4x+3y+8=0.

Loi giai

(C) cotam I(1;-3),R=2
d'l/ d = d' c6 phuong trinh 4x—-3y+m=0(m#5).

V& IH L MN = HM =3 = IH* =R*~HM*>=4-3=1.

[4.1-3.(=3)+m|
J16+9

d:4x-3y-8=0

{d':4x—3y—18=0'

Cho duong tron (C):x* +y* +6x—2y+5=0 va duong thing d di qua diém A(—4;2), cét

(C) tai hai diém M, N sao cho A 1a trung diém ciia MN . Phuong trinh ctia duong thang d 14

A. x—y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x—y+35=0.

=-18.

d(1,d")=1H <

:1<:>|m+13|:5<:>{m
m

Vay:

Loi gidi
Chon A.
(C) co tam 1(-3;1),R=+/5.Dod6, I4=+2 <R= 4 & trong (C).

A 1a trung diém ctia MN = I4 L MN = I4 =(~1;1) 1 vecto phap tuyén ctia d , nén d c6
phuong trinh: —1(x+4)+1(y+2)=0<= x—-y+6=0.
Puong tron x* + y> —2x—2y—23=0 cat duong thang x+y—2=0 theo mdt diy cung c6 do
dai bang bao nhiéu?
A. 10. B. 8. C. 6. D. 3V2.

Loi giai

Chon A.



2452 2-5\2

2192 _2x-2y-23=0 [2x?-4x-23=0 |*° o
GiéihéPT{x yomemey e T o 2 hay 2
X+y-2=0 y=2-x 2-5\2 24542
y="— y="

D¢ dai day cung AB=10.

Cau9: Tim giao diém 2 dudng tron (C,): x> +)y* —=4=0va (C,): x> + " —4x—4y+4=0
A. (V2:32) va (V2:+2). B. (0;2) va (0;-2).

C.(20) va (0;2).  D.(2;0) va (-2;0).

Loi giai

Chon C.
Giai h¢ PT

24y —4=0 24y’ —4=0 24y —4=0 24 (2-x) -4=

I @xy @xy <:>)c+(2x)40<:>
X’y —4x—4y+4=0 4-4x-4y+4=0 x+y=2 y=2-x

2 —x) —4= x=0 x=2

X +(2-x) -4 0@{ hay{ |

y=2—x _)/‘:2 y=0

Vay giao diém 4(0;2), B(2;0).
Céau 10: Xdc dinh vi trf tuong ddi gifra 2 dudng tron (C,):x” + ) =4 va (C,): (x+10)* +(y—16)* =1.
A. Cat nhau. B. Khong cat nhau. C. Tiép xtc ngoai. D. Tiép xuc trong.
Loi giai
Chon B.
(C,) c6 tam va ban kinh: 7, =(0;0), R, =2; (C,) c6 tdm va ban kinh: 7, (-10;16), R, =1;
khoang céch gifra hai tdm [/, = \/m =289 > R +R,.
Vay (C,) va (C,) khong c6 diém chung.
Cau 11: VO6i nhiing gid tri ndo cua m thi duong thing A:4x+3y+m=0 ti€p xiuc voi dudng tron

(C):x*+y*-9=0.

A. m=-3. B.m=3 vam=-3.
C.m=3. D. m=15 va m=-15.

Loi giai
Chon D.

Puong tron (C) ¢6 tim va ban kinh 1a 7 =(0;0), R=3.

m=15

A tiép xﬁc(C)@d(l,A):RQM:3c>
5 m=-15

Cau 12: Mot duong tron c6 tam [(1;3) tiép xtic voi dudong thang A:3x+4y=0. Hoi ban kinh duong
tron bang bao nhiéu?

A.%. B. 1. C. 3. D. 15.



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Loi gidi
Chon C.
3.1+3.4
=3

yebt & R=d(I;A) = \/327
+

Puong tron (x—a)’ +(y—b)* = R*cat duong thang x+y—a—b=0 theo mot diy cung c6 do
dai bang bao nhiéu?

A. 2R. B. R\2. C.RT‘/E.

Loi gidi

Chon A.

Vi dudng tron c¢6 tim I(a;b), ban kinh R va tim [(a;b) thudc dudng thing

x+y—a-b=0.

Nén do dai cua day cung bang d6 dai duong kinh bang 2R .

Xac dinh vj tri twong ddi giita 2 duong tron (C,): x* +y> —4x=0 va (C,):x* + y* +8y =0.

A. Tiép xtic trong. B. Khong cit nhau.  C. Cit nhau. D. Tiép xtic ngoai.
Loi giai

Chon C.

Puong tron (C,):x” +y* —4x=0 c6 tdm [,(2;0), ban kinh R =2.

Puong tron (C,):x* +y* +8y =0 c6 tam 1,(0;—4), ban kinh R, =4.

TacoR,—-R <I1I,= 245 < R, + R, nén hai dudng tron cat nhau.

Duong tron (C) co6 tam 1(=1:3) y3 tiép xtic voi duong thang d:3x—4y+5=0 tai diém H co
toa do la
A. —l;—Z . B. l,z . C. l;—Z . D. —l;Z .
55 55 55 55
Loi giai
Chon B.

IH 1 d=>IH :4x+3y+c=0.Dudng thang /7 qua /(-1;3)nén
4-D)+33+c=0=c=-5.Vay IH :4x+3y-5=0.

1
4x+3y-5=0 "5
Giaiha: 4 Y ! Syl
3x—4y+5=0 7 575
Y73

Xéc dinh vi trf twong doi gitta 2 dudng tron (C,):x*+)* =4 va (C,): (x=3)’ +(y—4)’ =25.
A. Khong cit nhau. B. Cit nhau. C. Tiép xtc ngoai. D. Tiép xtic trong.
Huéng dan giai

Chon B.



Ta c6: tam 1,(0;0), 7,(3;4), bankinh R =2, R, =5nén R, - R =3<I1,=5<R,+R =7
nén 2 dudng tron trén cit nhau.
4. Dang 4: Viét phwong trinh tiép tuyén ciia dwong tron:
a)Phwong phap:
Cho duong tron (C) tam [ (a;b) , ban kinh R
1. Néu biét tiép diém la M (x,;y,) thi tiép tuyén d6 di qua M va nhan vecto
M (xo —a;y, —b) lam vecto phap tuyén nén c6 phuong trinh 1a

(% =) (x=x0) + (3, =b)(¥ =) =0

2. Néu khong biét tiép diém thi dung diéu kién: Pudng thing A tiép xuc dudng tron (C) khi va
chi khi d(I;A)=R dé x4c dinh tiép tuyén.

Cic dang toan tiép tuyén ciia dwong tron:
1.Viét phwong trinh tiép tuyén (D) véi (C) tai diém M, €(C)
e Budc 1: Tim toa d6 tdm / cua (C).
o Budc 2: Tiép tuyén (D) 1a dudng thing di qua M, va c6 VTPT la M,]
2. Viét phwong trinh tiép tuyén (D) véi (C) tai diém M, ¢(C)
e Bude 1: Tim toa d6 tm / va ban kinh R cua (C).
e Budc 2: (D) la duong thing di qua M, nén cé dang a(x—x,)+b(y—y,)=0
e Budc 3: (D) tip xtic v6i (C) <> d (I;(D))=R (*). Giai (*) tim duge mdi lién hé
gitta a &b . Chon a &b phu hop dé két luan.
3.Viét phwong trinh tiép tuyén (D) véi (C) biét (D) song song véi (D,): Ax+By+C =0
e Bude 1: Tim toa d0 tm / va ban kinh R cua (C).
e Budc 2: (D)||(D,): Ax+ By +C = 0nén phuong trinh c6 dang
Ax+By+C'=0 (C'#C)
e Budc 3: (D) tip xtic v6i (C) <> d (I;(D))=R (*). Giai (*) tim duge C' so véi dk
dé két luén.
4. Viét phwong trinh tiép tuyén (D) véi (C) biét (D) vudng goc véi (D,): Ax+By+C =0
e Budc 1: Tim toa dd tim / va ban kinh R cua (C).
e Budc 2: (D) L (D,): Ax+ By +C = 0nén phuong trinh c6 dang Bx—Ay+C'=0

e Budce 3: (D) tiép xtic v6i (C) < d(l;(D)) =R (*). Giai (*) tim duoc C' so véi dk
dé két luan.
b) Vi du minh hoa:



Vi du 1: Cho duong tron (C ) :x” +y° +2x—4y+4=0. Viét phuong trinh tiép tuyén d cia (C ) tai diém
M(0;2).

Loi giai
Ta ¢ dudng tron (C): x* + > +2x—4y+4=0 < (x+1)’ +(y—2)" =1c6 tam 1a diém /(-1;2).

Do (0+1)2 +(2—2)2 =1 nén diém M thudc duong tron (C).
Tiép tuyén ctia (C ) tai M (0; 2) ¢6 vecto phap tuyén MI = (—1;0), nén c6 phuong trinh
~1(x+1)+0(y-2)=0=x+1=0.

Vi du 2 : Trong mit phang Oxy , cho dudng tron (C):(x— 3)2 +(y- 1)2 =10. Phuong trinh tiép tuyén cta
(C) tai diém 4(4;4) 1a
Loi giai
Dudng tron (C) ¢6 tam /(3;1). Diém A4(4;4) thudc dudng tron.
Goi d 1a tiép tuyén can tim. Ta c6 d vudng gbc voi IA tai diém A(4;4) c6 vécto phap tuyén
1a Id= (1;3) . Phuong trinh d dang x+3y+c¢=0.
d diqua A(4;4) nén 4+3.4+c=0<c=-16.
Vay phuong trinh cua d: x+3y—-16=0.
Vi du 3 : Viét phuong trinh tiép tuyén cta dudng tron (C):(x=3) +(y+1) =5, biét tiép tuyén song
song v6i duong thang 4:2x+y+7=0.
Loi giai
Puong tron (C) cb tim 7(3—1),R=+/5 va tiép tuyén c6 dang
A:2x+y+c=0(c#7).

Ta co R:d[l;A]@m:«/g@

=0
J5 c=-10

Viy ¢6 hai tiép tuyén thoa yéu cau bai toan 1a 2x+y=0 va 2x+y-10=0.

Vi du 4: Viét phuong trinh tiép tuyén ctia dudng tron (C):(x—2)" +(y+4)’ =25, biét tiép tuyén
vudng goc voi dudng thang d:3x—4y+5=0.
Loi giai
DPuong tron (C) cb tim 1(2;—4),R =5 va tiép tuyén c6 dang
A:4x+3y+c=0.
c=29
c=-21

Ta co R:d[l;A}@@:M@
Vay ¢6 hai tiép tuyén thoa yéu cau bai toan 13 4x+3y+29=0Va 4x+3y-21=0.
Vi du 5:Cho dudng tron (C) ¢6 phuong trinh x* + y* —6x+2y+6=0 va diém hai diém 4(1;-1); B(1;3)
a) Chimg minh rang diém A thuc duong tron, diém B nim ngoai dudng tron
b) Viét phuong trinh tiép tuyén cua (C) tai diém A
¢) Viét phuong trinh tiép tuyén cua (C) ké tir B.



Loi giai
Duong tron (C) ¢6 thm /(3;-1) ban kinh R=+/3>+1-6 =2.

a)Taco: IA=2=R;IB= 25>R suy ra diém A thudc dudng tron va diém B nam ngoai
duodng tron

b) Tiép tuyén cta (C) tai diém A nhan 74 =(2;0) lam vecto phap tuyén nén c6 phuong trinh la
2(x—l)+0(y+l):0 hay x =1

b) Phuong trinh duong thang A di qua B ¢6 dang:
a(x—-1)+b(y-3)=0 (v6i o’ +b> #£0) hay ax+by—a-3b=0
Puong thang A 1 tiép tuyén ciia duong tron < d (I ;A) =R

b=0
3b=4a

3a—b—a—3b|
=
\a +b°

+Néu b=0, chon a =1 suy ra phuong trinh tiép tuyén 13 x=1.

=2 (a-2b) =d*+b’ <:>3b2—4ab:O<:{

+Néu 3b=4a, chon a =3, b=4 suy ra phuong trinh tiép tuyén 13 3x+4y—-15=0

Vay qua A ké dugc hai tiép tuyén véi (C) c6 phuong trinh 1a x=1 va 3x+4y—-15=0
Vi du 6:Viét phuong trinh tiép tuyén A cta duong tron (C):x” +y* —4x+4y—1=0 trong truong

a) Puong thing A vudng goc véi duong thang A':2x+3y+4=0

b) Puong thing A hop véi truc hoanh mot goc 45°

Loi giai

a) Puong tron (C) ¢6 tim 7(2;-2), ban kinh R =3

Vi A LA' nén A nhan u(-3;2) 1am VTPT do d6 phuong trinh ¢6 dang

—3x+2y+c=0

Puong thang A 1 tiép tuyén v6i dudng tron (C) khi va chi khi

V13

Vay ¢6 hai tiép tuyén1a A:—3x+2y+10+3/13 =0

d(I;A)=3 =3 c=10%3V13

b) Gia st phuong trinh dudng thing A:ax+by+c=0, a> +b*> #0
Pudng thing A 1 tiép tuyén v6i dudng tron (C) khi va chi khi
2a—2b+|
3o t—mmmm
Na’ +b°

Pudng thing A hop véi truc hoanh mot goc 45° suy ra

d(I;A)= =3 (2a-2b+c) =9(a’ +b”)(*)



cos(A;Ox):L:cos%O zﬁca:b hodc a=-b

W a’+b’
THI1: Néu a =b thay vao (*) ta co 184> = ¢ < +c=3+2a, chon a=b=1=> c =432 suyra
A:x+yi3x/§=0
c=(3v2-4)a
c=—(3\/§+4)a

TH2: Néu a =—b thay vao (¥) taco 184> = (4a+c) &

i c:(3ﬁ—4)a,chon azl,bz—l,c=(3x/§—4):>A:x—y+3x/§—4=O
i c:—(3ﬁ+4)a,chon a=1,b=—1, c:—(3\/§+4):>A:x—y—3x/§—4:0

Vay c6 bon duong thang thoa man 1a A, :x+y4_r3x/§:O, A, :x—y+3\/§—4:0 va

A ix—y-3J2-4=0
Vi du 7:Lap phuong trinh tiép tuyén chung cta hai dudng tron sau:

(C):x*+y —4y-5=0va (C,):x*+y* —6x+8y+16=0

Loi giai

Puong tron (C,) 6 thm 7, (0;2) ban kinh R, =3

buong tron (C,) ¢6 tdm 1, (3;—4) ban kinh R, =3

Goi tiép tuyén chung cia hai duong tron cé phuong trinh A:ax+by+c=0 voi a>+b* #0
dh,8)=3 2b+c|=3Va® +b* (¥)

A 14 tiép tuyén chung cia (C) va (C )<:>{
1 ’ d(l,,4)=3 |3a—4b+c|:3 a’+b’

a=2b
Suyra 2b+c|=[3a—4b+c| < “3a+2b
c=—
2
TH1: Néu a =2bchon a =2, b =1 thay vao (*) ta dugc c=-2435 néntacé 2 tiép tuyén 1a
2x+y—2i3\/§=0

3a+2b

TH2: Néu ¢ Z_T thay vao (*) ta dugc [2b—a|=2va’ +b* < a =0 hodc 3a+4b=0

+V6ia=0=c=b,chon b=c=1tadugc A:y+1=0

+Véi 3a+4b=0=c=3b,chon a=4,b=-3,c=-9 tadugc A:4x-3y—-9=0

Vay ¢6 4 tiép tuyén chung cua hai dudng tron 1a: 2x+y—2+3/5=0,y+1=0, 4x—3y—-9=0
Vi du 8: Cho dudng tron: x> +y* —4x+8y-5=0
a) Tim toa do tm va ban kinh ctia dudng tron.
b) Viét phuong trinh tiép tuyén cia duong tron, biét rang tiép tuyén qua A (-1;0).
¢) Viét phuong trinh tiép tuyén ctia dudng tron, biét rang tiép tuyén vudng goc v6i duong thing



x+2y=0
d) Tim diéu kién cia m dé dudng thang x +(m—1)y+m =0 tiép xtc véi dudng tron.
e) Viét phuong trinh tiép tuyén ctia dudng tron di qua B (3; -1 l)
Loi giai
a) X' +y —4x+8y—-5=0 (C)
S X —4x+4-4+y +8y+16-16-5=0
& (x-2) +(y+4) =25
Vay (C) c6 tam 1(2;—4) va ban kinh R =5
b) Ta co: A(-1;0)e(C)
Do d6 phuong trinh tiép tuyén véi (C) tai tiép diém A(—l; 0) la:
—x+0.y-2(-1+x)+4(0+y)-5=0<3x—4y+3=0.
c¢) Phuong trinh A vudng gbc v6i duong thang x +2y =0 la: 2x—y+m=0
Vi A tiép xtc véi (C) < d(LA)=R
[4+4+m| m=55-8
N me 558
Vay ta ¢6 hai tiép tuyén 1a: A, :2x—y+5/5-8=0;
A, :2x—y—54/5-8=0.
2-(m—-1)4+m| .

=1<:>|m+8|=5\/§<2>

d) Tacé A tiép xtc véi (C) < d(LA)=R < .
1+(m-1)
& [6-3m|=5Vm’ -2m+2 & (6-3m)’ =25(m’ -2m+2)
< 8m’> —7m+7 =0 vo nghiém
Vay khong c6 gia tri ndo ciia m dé dudng thiang A tiép xuc véi (C)
e) Phuong trinh duong thing A qua B ¢6 hé s6 goc k 1a:
y+11:k(x—3)<:>kx—y—3k—11=0
2k +4-3k—11]
R =5

A tiép xtc voi (C) < d(LA) = :
k*+1

1<:—§:>A1 :4x-3y-45=0
4

& 24K° -14k-24=0< 4
1<=§:>A2 :3x+4y+35=0

Vi du 9: Cho hai dudng tron: (C):x* +y* —6x+6y+17=0
(C)x*+y* =1
a) Xac dinh tdm va ban kinh cta (C) va (C')
b) Tim phuong trinh dudng thang tiép xtc véi ca (C) va (C').
Loi gidi

a) Taco: (C) e (x-3) +(y+3) =1=1(3-3); R, =1

(C') < Cotam O(0;0); R, =1
b) Tacod: OI=/9+9 >1+1< (C) va (C') ngoai nhau do d6 c6 4 tiép tuyén chung

Goi A:y=mx+n< mx—y+n=0 latiép tuyén chung cua (C) va (C')



A tiép xtic vé6i (C) va (C') <

Lay (1) chia (2), vé theo vé, ta cé:

m=-1 (3)

3m+2n+3=0 (4)

n=+2

h= 2

C6 hai tiép tuyén: A, :x+y+\/§:0; A, :x+y—«/§:0

1)|

* Thé (4) vao (2) = ‘_3(— ﬂ

|3m+n+3|:|n|<:>

* Thé (3) vao (4) :>|0+n|=\/§:>|:

=1l 5m’ +18m+5=0

2¢m? +1
—9+24
ml:T
=
—9-24
m2:—
5
C6 hai tiép tuyén: A, : —l(—9+2M)(X_§j_§
yen: A;ly 5 > 5
1 3) 3
A4.y:§(—9—2\/ﬁ)(X—EJ—E.

Vi dy 10: Cho dudng tron (C):x* +y* +2x—-4y—20=0 va A(3;0). Viét phuong trinh dudng thing

chtra day cung cua duong thrfmg qua A khi: )
a) Day cung c6 d6 dai 16n nhat. b) Day cung c6 dd dai nhé nhat.

Loi giai
Puong tron (C) c6 tim 1(-1;2) va ban kinh R =5

va Py :(3+1)° +(0-2)"-25=-5<0= A ¢ bén trong (C)
(©)
a) Day cung dai nht 1a dudng kinh nén phuong trinh ciia dudng thing Al la:
x-3 y-0 B
> —T<:>x+2y—3—0. %~ IH
b) Ta co: d(I,A)=IH <IA =~/20 w
D¢ dai day cung nho nhat <> IH dai nhat < H=A I

Do d6 day cung ngin nhit qua A 1a diy vudng goc v6i Al tai A
= Phuong trinh A:2x—-y+c=0

Vi A(3;,0)eA=6+0+c=0=>c=—6
Vay phuong trinh A:2x-y—-6=0.

Vidu 11: Lap phuong trinh duong tron di qua A(l; —2) va cac giao diém cua duong thing
x—7y+10=0 va duong tron x> +y”> —2x+4y—20=0.
Gidi
Phuong trinh chum dudng tron di qua hai giao diém la:
(x2 +y° —2x+4y—20)+m(x—7y+10)= 0

Vi duong tron qua diém A(l; —2) nén ta co:



(1+4-2+4(-2)-20)+m(1-7(-2)+10)=0=>m=1
Vay phuong trinh dudng tron can tim 1a:
x2+y2—2x+4y—20+1(x—7y+10)=0
x4y —x-3y-10=0.
Vidy 12: Cho duong tron (C):(x—1)"+(y—2)" =4 va duong thing d:x —y—-1=0. Viét phuong trinh
dudng tron (C') d6i xtmg cua (C) qua d. Tim toa d¢ giao diém cua (C), (C')
Giai
(C) cotam I(1;2), ban kinh R =2
Phuong trinh dudng thang A qua I, vudng goc véi d 1a: x+y+m=0
[(,2)ed=1+2+m=0=>m=-3
Phuong trinh (A) :Xx+y-3=0
H{x+y—3=0
x—y—-1=0
Taco: 2x, =X, +X, =X, =3

2y =y, +yy =y, =0
I'(3;0)
Vi (C), (C') déi xtmg nhau qua d nén R =R’
Vay phuong trinh (C'):(x-3)" +(y—0)" = 4
Toa d6 giao diém cua (C), (C') la nghiém cta hé phuong trinh:
(x=1) +(y-2) =4 @{(x—l)z +(y-2)" =4
(x=3) +(y-0) =4
x,=1=y, =0
X,=3=>y,=2

:>H(2;1)

x—-y—1=0
:>A(1;0), B(3;2)
¢) Bai tap tric nghiém:

Cau1l: Cho duong tron (C): (x—3)* +(y—1)* =10 . Phuong trinh tiép tuyén cua (C) tai diém A(4;4) 1a
A. x-3y+5=0. B. x+3y—-4=0. C. x-3y+16=0. D. x+3y-16=0.

Loi giai
Chon D.
(C) co tam 1(3;1) = I4 =(1;3) 1a vecto phap tuyén cua tiép tuyén D.
Suyra D:1(x—4)+3(y—4)=0< x+3y-16=0.
Cau2: Cho duong tron (C):(x—2)*+(y—2)* =9. Phuong trinh tiép tuyén cua (C) di qua diém

A(-5:1) la

A. x+y-4=0va x—y-2=0. B. x=5va y=-1.

C.2x—y—-3=0va3x+2y-2=0. D. 3x-2y-2=0va 2x+3y+5=0.
Loi giai

Chon B.

(C) co thm 1(2;2)vabankinh R=3.



Cau 3:

Cau 6:

n=(4; B)la vecto phap tuyén nén D: A(x—5)+B(y+1)=0.
D la tiép tuyén cua (C) khi va chi khi :

|4(2-5)+B(2+1)
VA* + B’

Cho duong tron (C): x>+ y* +2x—6y+5=0. Phuong trinh tiép tuyén cua (C) song song véi

A=0chonB=0= y=-1

d(I,A):R<:>
B=0chon4=0=x=5

=3 AB=0 @{

duong thang D:x+2y—15=0 la

A. x+2y=0va x+2y-10=0. B. x-2y=0va x+2y+10=0.

C.x+2y—-1=0va x+2y-3=0. D. x-2y—-1=0va x-2y-3=0.
Loi gidi

Chon A.

(C) cotam I(~1;3)vabankinh R=v1+9-5=+/5,d :x+2y-m=0.

d 1a tiép tuyén cta (C) khi va chi khi:
-1+6— -5=-5 m=0=d:x+2y=0
d(],d)zR@M:\/g<:>|m—5|:5<:> " o Y .
J1+4 m—5=5 m=10=>d:x+2y-10=0

Cho duong tron (C):x*+y* —6x+2y+5=0 va dudng thing d:2x+(m—-2)y-m—-7=0.

Vi gia tri nao ciia m thi d 14 tiép tuyén ciia (C)?

A. m=3. B. m=15. C. m=13. D. m=3 hoac m=13.
Loi giai

Chon D.

(C) c6 tam 1(3;~1)va ban kinh R=+/5.

d 1a tiép tuyén ctia (C) khi va chi khi:

m=3

—m+2—m—7| B
- m=13"

J4+(m-2)°

Cho dudng tron (C):x*+y* —2x+8y—-23=9 va diém M (8;-3). Do dai doan tiép tuyén cua

d([,d)=R<:>|6 \/§®m2—16m+3920<:>[

(C) xuét phat tir M 1a:

A 10, B. 2410 c. 1o D. Vio.

2
Loi giai
Chon D.
Duong tron (C):x2 +y? —2x+8y—23=9 co6 tam ](1;—4)bé1n kinh R =~/40.

Do dai tiép tuyén 1a VIM? - R =10 .

Néu duong tron (C):(x—l)2 +(y—3»)2 = R* tiép xtic voi duong thang d :5x+12y—60=0 thi

gid tri cua R la:



Vidu 1:

A. R=2\2. B. R=2. C. R=+5. D. R=+2.
Loi giai

Chon B.

Puong tron (C):(x-1)"+(y-3)" = R*c6 tam (1;3) ban kinh R .

Duong thangd : 5x+12y — 60 = 0tiép xtc véi duong tron (C) khi

_[31+123-60] 19

V5 +12° 13

Cau7: Cho dudng tron (C):(x—3)2 +(y+1)2 =5. Phuong trinh tiép tuyén cta (C) song song véi

d=d(I,d)

duong thing d : 2x+y+7=01a

A. 2x+y=0;2x+y-10=0. B. 2x+y+1=0; 2x+y—-1=0.

C.2x—y+10=0; 2x+y—-10=0. D. 2x+y=0; x+2y—-10=0.
Loi giai

Chon A.

Phuong trinh tiép tuyén c6 dang A:2x+ y+m=0vSi m=7 .

Puong tron (C):(x—3)2 +(y+l)2 =5 ¢6 tam /(3;-1)va ban kinh R=A5

\ 2 - X , L \ \ . |2-3—1+m| m=0
Duong thang Ati€p xac v6i duong tron (C)khid (I;A)=R S I SN
J5 m=-10
Vay A, :2x+y=0; A, :2x+y-10=0

5. Dang 5: Bai toan thuec té vé phwong trinh dwong tron:

Chuyén dong ctia mot vét thé trong khoang thoi gian 180 phiit dwoc thé hién trong mit phang toa do.
Theo d6, tai thoi diém ¢(0<¢<180) vat thé ¢ vi tri c6 toa dd (2+sint";4+cost").
a) Tim vi tri ban dau va vi tri két thuc cua vat thé.
b) Tim quy dao chuyén dong cua vat thé.
Loi giai

a) Vi tri ban dau cua vat thé tai thoi diem £ =0 c6 toa do M (2;5).
Vi tri két thic cta vat thé tai thoi diém ¢ =180 cd toa do M (2;3).
b) Quy dao chuyén do clia vat thé la cac diém M (x;y) théa man

x=2+sint°
{ o (x=2) +(y-4) =1.

y=4+cost°
Viy quy dao chuyén do6 cta vat thé 1a dudng tron (C): (x—2)2 +(y —4)2 =1, c6 tdm 1(2;4) , ban kinh
R=1. .
Vi du 2: Mot cai cau hinh ban nguyét rong 8,4 m cao 4,2 m nhu hinh 5. Mat duong dudi cdng duogc chia

) ~ thanh hai lan cho xe ra vao.

a) Vét phuong trinh mo phong cai cong. i i
b) Mot chi€e xe tai rong 2,2 m va cao 2,6 m di dung lan duong quy dinh c6 thé di qua cong va khong lam
hu héng cong hay khong?



Hinh 5

Loi giai

a) Ta thay cong c6 hinh ban nguyét va chi€u cao cua cong bang mdt nira chiéu rong cia duong nén né cod

dang ntra duong tron

Gan truc toa do tai tim duong, ta c6 phuong trinh mé phong cai cong 1a : x? + y* = 4,27

(voi dieu kién y>0 vi cong ludn nam trén mat duong)

b) Vi xe di ding lan nén ta c6 x=2,2; y=2,6

Khoang cach tir diém xa nhat cta chiéc xe tai to1 tim duong la:

2,27 +2,6° =3,41<3,42

Vay chiéc xe ¢ thé di qua cong ma khong 1am hu hong cong

Vi du 3: Hinh 46 m6 phéong mot tram thu phat song dién thoai di dong dat & vitri [ co toa dd (— 2 ; 1)

trong mat phéng toa d¢ (don vi trén hai truc Ia ki-16-mét).

Tram
phat song

vA

\
-

Hinh 46

a. Lap phuong trinh duong tron mo ta ranh gidi bén ngoai ctia ving phu song, biét rang tram thu phat

song do dugc thiét ké véi ban kinh phu séng 3 km.

b. Néu nguoi dung dién thoai ¢ vi tri c6 toa do (— 1 ;

Giai thich.

c. Tinh theo dudng chim bay, xac dinh khoang cach ngén nhat dé mot nguoi ¢ vitricod toadd (—3;4)di

3) thi ¢6 thé sir dung dich vu cua tram nay khong?

chuyén duoc téi ving phu song theo don vi ki-16-mét (1am tron két qua dén hang phan muoi).
Loi giai

a. Puong tron mo ta ranh gio1 bén ngoai cua vung phu song di qua tam I(-2;1), c6 ban kinh phu song 3km

nén phuong trinh dudng tron do la:

(x+2)+(y=1)*=0.
b. Néu nguoi dung dién thoai ¢ vi tri ¢6 toa do M (-1;3)

Ta co: IM =\(-1-(=2))> +(3-1)* =</5<3=R.

Do d6, vi tri ¢6 toa d6 (— 1; 3) ndm bén trong dudng tron mo ta ranh gidi bén ngoai ciia ving phi song.



Vay nguoi dung dién thoai & vi tri ¢6 toa do (— 1; 3) co thé sur dung dich vu cta tram nay.

(.

C.

Gia su vi tri ding cua nguoi do 1a B(-3;4).
Ta c6: BI =(-1;3)= Bl =~/10 >3
BI > R nén B ndm ngoai dudng tron ranh gidi,
Puong thang IB ¢6 vtep 1a BI = (=1;3) nén co vtpt 1a n= (3;1) vaIB diqual nén
phuong trinh tong quat cta IB 1a : 3(x+2)+1(y-1) =0
hay IB: 3x+y+5=0 i
Toa do cua giao diém ctua duong thang BI va duong tron 1a nghiém cta hé
{3x+y+5=0 {y:—3x—5
<
(x+2) +(y-1)>=9.  |[(x+2)°+(-3x-6)>=9 (2)

—20-3410 10+9+4/10
X=—r—= ="+

10 10
(2)=
—-20+3+v10 10-9+/10
X=——""">>y=""-—"—
10 10

—20—3@,10+9JEJ w

Viy duong thang IB cét duong tron tai hai diém AL 0 0

A,[—20+3x/ﬁ_10—9m
©10

] . Khi d6 AB hodc A’B la khoang cach ngin nhét tir B dén viing phii song.

10
Ta co:
2 2
ap= [ 20310 L1 (10493101 5
10 10
2 2
e J(NTW3] [%q o

Vi 6,2>0,2 nén AB la khoang cach ngan nhat tir B dén viing phu song.
Vay tinh theo duong chim bay, khoang cach ngan nhét dé mot ngudi & vi tri c6 toa do (— 3 ; 4) di chuyén
duogc to1 vung phu song gan bang 0,2 km

Vi du 4:Ném dia 1a mot mon thé thao thi ddu trong Thé véan hoi Olympic mua he. Khi thyc hi¢n ct ném, van
dong vién thuong quay lung lai véi huéng ném, sau do6 xoay ngugc chiéu kim dong hé mot vong rudi cia

duong tron dé€ lay da roi tha tay ra khoi dia. Gia stir dia chuyén dong trén mot duong tron tam 7(0; 5) ban kinh



V39

0,8 trong mit phang toa do Oxy (don vi trén hai truc 13 mét). Bén diém M (T; 2], dia duwoc ném di (Hinh

47). Trong nhimg gidy dau tién ngay sau khi duoc ném di, quy dao chuyén dong cua chiéc dia co phuong trinh
nhu thé nao?
VA

=y

- k.

(Nguon: https://shutterstock.com) Hinh 47

Loi giai

J39

bia chuyén dong trén mot duong tron tam 7 (0;%) béan kinh 0,8; dén diém M [T’ 2J , dia duoc ném di, do

d6 trong nhitng gidy dau tién sau khi ném di, dia chuyén dong trén mot duong thang 13 tiép tuyén ctia duong
tron tam I, ban kinh 0,8 tai tiép diém M.
Phuong trinh tiép tuyén cua dudng tron tam I tai ti€p diém M la

[IE:-oJ(x-IE(f]{z-%j(y-z):o

V39 1139

S x4—y-—=
10 27 100

Vay trong nhimg gidy dau tién ngay sau khi duoc ném di, quy dao chuyén dong cta chiéc dia c6 phuong trinh

V39 1139

a Y2, 1 -
10 27 100

C, BAI TAP TRAC NGHIEM PUONG TRON

Caul: Dudng tron tdm 7 (a;b) va ban kinh R c6 dang:
A.()c+a)2+(y+b)2 R*. B.(x—a)2+(y—b)
C.()c—a)2+(y+b)2 R*. D.(x+a)2+(y—b)

Loi giai

Chon B.
Xem lai kién thure sach gido khoa.

Cau2: Duong tron tim /(a;b) va ban kinh R ¢6 phuong trinh (x—a)’ +(y—b)" = R* dugc viét lai
thanh x* + y* —2ax —2by + ¢ = 0. Khi d6 biéu thic ndo sau day dung?

A.c=a*+b*—R*. B.c=a’-b*-R*. C.c=—a*+b*—R*. D.c=R*-a*-1*.
Loi gidi



Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 8:

Chon A.
Xem lai kién thurc sach gido khoa.
Dicu kién dé (C):x* + »* —2ax—2by+c =0 la mot duong tron la
A.a’+b°—c*>0. B.a’+b*—c* >0. C.a’+b*—c>0. D.a> +b° —c>0.
Loi giai
Chon C.
Xem lai kién thirc sach gido khoa.
Cho duong tron c6 phuong trinh (C ) :x” + > +2ax +2by + ¢ =0. Khang dinh nao sau day la
sai?
A. Duong tron c6 tam 13 1 (a;b).
B. Puong tron ¢6 ban kinh 1a R =+/a*> +b> —c .
C.a’>+b*—c>0.
C. Tam ctia duong tron 1a 7 (—a;-b).
Loi giai
Chon A.
Xem lai kién thure sach gido khoa.
Cho dudng thang A tiép xtc v6i dudng tron (C) c6 tm 7, ban kinh R tai diém M , khang

dinh nao sau day sai?

A.d(,;A)zR. B.d(,;A)—IMzo.
d(];A) _ A A , /o
C.—R =1. D. /M khong vudng géc voi A.
Loi giai
Chon D.

Xem lai kién thirc sach giao khoa.
Cho diém M (x,;y,) thudc duong tron (C) tdm I(a;b). Phuong trinh tiép tuyén A cua

dudng tron (C) tai diem M 1a

A.(x,—a)(x+x,)+(y,—b)(y+y,)=0. B.(x,+a)(x—x,))+ (v, +b)(y—»,)=0.
C.(xo—a)(x—x0)+(y0—b)(y—yo)zol. D.(x,+a)(x+x,)+(y, +b)(y+,)=0.
Chen C. Loi giai

Xem lai kién thirc sach gido khoa.
Puong tron x” + y> —10x—11=0 c¢6 ban kinh bang bao nhiéu?
A.6. B.2. C.36. D.V6.
Loi giai
Chon A.
Tacod x* +)* —10x-11=0 & (x—-5) + > =6’
Vay ban kinh duong tron R =6.
Mot dudng tron 6 tam /(3 ;-2) tiép xtc véi dudng thing A:x—5y+1=0. Hoi ban kinh
dudng tron bang bao nhiéu ?

A.6. B./26. c. 14 D,

V26 13
Loi giai
Chon C.
|3 5.(=2)+ 1|

Jif

Do dudng tron tiép xuc voi duong thing A nén R = d(I,A)=




Cau9: Mot duong tron c6 tam la diém O(0;0) va tiép xtc v6i dudng thang A:x+y—44/2 =0. Hoi
ban kinh duong tron d6 bang bao nhiéu ?

A2 B.1 C.4 D.42
Loi giai
Chon C.
|0+0 4\f|
Do dudng tron tiép xuc véi duong thing A nén R = d 1, A \/72
1" +1
Ciau 10: Puong tron x* + y* =5y =0 ¢ ban kinh bang bao nhiéu ?
5 25
A5 B.25. C.> D.==.
2 2
Loi giai
Chon C.
2
5
x2+y2—5y=0<:>(x—§j +y° =£cé ban kinh R =—.
2 4 2
Cau 11: Phuong trinh nao sau ddy l1a phuong trinh duong tron?
A X"+ —2x-8y+20=0. B.4x’ +y° —10x-6y—2=0.
C.x°+y" —4x+6y-12=0. D.x’ +2y* —4x-8y+1=0.

Loi giai
Chon C.
Taco x*+y —4x+6y—-12=0 (x-2) +(y+3)" =25.
Chii y: Phuong trinh x° + y* — 2ax —2by + ¢ = 01a phuong trinh ctia 1 dudng tron khi va chi khi
a+b’—c>0.
Cau 12: Tim toa do tam dudng tron di qua 3 diémA(O;4),B(2;4),C(4;O) .
A.(0;0). B.(1;0). C.(3;2). D.(L1).
Loi giai
Chon D.
Goi 1(a;b) dé I 1atam dudng tron di qua ba diém A(0;4),B(2;4),C(4;0) thi

A=1B |a*+(4-b) =(2-a) +(4-b)" (a=1

u=1c"\ » 2 _ 2 b1
a’+(4-b) =(4—a) +b

Vay tam 7(1;1)

Cau 13: Tim ban kinh dudng tron di qua 3 dlemA(O 4),B(3 4),C(3;0) .
A.5. B.3. C.@. D.i.
2 2
Loi gidi
Chon D.

Goi I(a;b) dé I 1atam duong tron di qua ba diém A4(0;4),B(3;4),C(3;0) thi

A=1B @{az +(4=b) =(3=a) +(4-b) |a=

IA:IB:IC:R<:>{ ) ,
A=1C g +(4-b) =(3-a) +b’ h=

2
Vay tam I(l;l) , ban kinh R =14 :\/(%j +(4—2)2 _3

Cau 14: Phuong trinh nao sau day khong phai la phuong trinh duong tron ?



Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

AX’+y —x+y+4=0B.x’+y -y =0

C.x*+y"-2=0. D.x’ +3* =100y +1=0.
Loi giai

Chon A.

Taco x*+y° —x+y+4= 0<:>(x——) ( 2) =——<O

Tim toa do tam duong tron di qua 3 dlemA(O,S , ) C(-4;3).

A.(-6;-2). B.(-1;-1). .( : ). D.(0;0).
Loi giai

Chon D.

Goi I(a;b)

Do/ 1a tam dudng tron di qua ba diém A(O; 5), B(3; 4), C(—4;3) nén

IA=1IB a2+(5—b)2=(3—a)2+(4—b)2 3a+b=0 a=0
2= ) ) , & =

A=1IC 2+(5—b) =(—4—a) +(3—b) 2a+b=0 b=0

Vay tam /(0;0).

Puong tron x” + y* + 4y = 0khéng tiép xtc dudng thang nao trong cac dudong thang dudi day?

A.x—-2=0. B.x+y-3=0. C.x+2=0. D.Truc hoanh.

Loi giai
Chon B.
Ta c6 dudng tron tdm 7 (0;—2) ban kinh R =2

D& thay duong tron tiép xtc voi ba duong thang x = 2;x = —2;Ox

Vay dép 4n 1a B.

Puong tron x” + y* —1=0 tiép xuc duong thang nao trong cac duong thang dudi day?

A.x+y=0. B.3x+4y-1=0. C.3x—-4y+5=0. D.x+y—-1=0.
Loi giai

Chon D.

Dbuong tron tam ](0;0) ,ban kinh R =1
Khoang cach tir tim dén cac dudng thang & cac dap an la
1 5
d,=0;d, =§<R;dc :§>R;d0 =1=R
Vay dap an D 13 duong thang tiép xtic voi mit cau trén.
Tim bén kinh dudng tron di qua 3 diém A(0;0),B(0;6),C(8;0).
A.6. B.5. C.10. D.5.
Loi giai
Chon B.
Goi I(a;b) dé I 1atam dudng tron di qua ba diém 4(0;0),8(0;6),C(8;0) thi
14=IB {az +b* =a* +(6-b) {a _4
< &

IA:IB:IC:R<:>{ i .
A=1C g +p*=(8-a) +»* (b=3

Vay tam /(1;1) , bankinh R=14=+/4’+3* =5.

Tim giao diém 2 dudng tron (C,):x*+3° —4=0 va (C,): x*+ )’ —4x—4y+4=0



Cau 20:

Cau 21:

Cau 22:

Cau 23:

A(V2:42) va (V2;42). B.(0;2)va (0;-2).

C.(2;0)va (0;2). D.(2;0)va (=2;0).
Loi giai
Chon C. i
Toa do giao diém cua hai duong tron 1a nghiém hé phuong trinh
x=2
X+ —d=x"+y —dx—4y+4 x=2-y y=0
=
X +y'—4=0 (2—y)2+y2—4=O x=0
y=2
Puong tron x* + y* —2x+10y +1=0 di qua diém nao trong cac diém dudi day ?
A.(2;1) B.(3;-2) C.(-1;3) D.(4;-1)
Loi giai
Chon D.

Thay 1an luot vao phuong trinh ta thiy toa 46 diém & dap an D thoa man.
Mot duong tron co tam [ (1;3) tiép xtic voi duong thang A :3x+4y=0. Hoi ban kinh dudng
tron bang bao nhiéu ?

A.% B.1 C.3. D.15.

Loi giai

Chon C.

1
R:d(I,A):?S:&
Puong tron (C): (x—2)*(y-1)* =25khéng cat dudng thang nao trong cac dudng thang sau
day?
A.Duodng thang di qua diém (2; 6) va diém (45; 50) .
B.Duong thing c6 phuong trinh y—4=0.
C.Dudng thang di qua diém (3;-2) va diém (19;33).
D.Duodng thiang c¢6 phuong trinh x —8 = 0.

Loi giai
Chon D.
Tam va ban kinh duong tron 1a 1(2;1);R=5
, N 2 . a2 . . x—2 y—6
Ta c6 duong thang di qua hai diém (2;6) va (45;50) la: e :TQ 44x-43y+170=0
. 5 ) ez . x=3 y+2
buong thang di qua hai diem (3;-2) va (19;33) la: T :?c>35x—16y—73:0
Khoang cach tir tim dén cac dudng thing 1a
215 19
d,=——<R;d,=3<R;d, =——<R;d,=6>R
' 3785 ’ © a1 P
Vay dap an 1a D.
Dudng tron nao dudi ddy di qua 3 diém 4(2;0), B(0;6), 0(0;0)?
A.x*+1y°-3y-8=0. B.x*+)° —=2x—6y+1=0.
C.x*+)y" —=2x+3y=0. D.x’ +3*—2x-6y=0.
Loi giai

Chon D.



Goi phuong trinh can tim ¢6 dang (C):x” +y* +ax+by+c=0.
Do 4, B, Oe (C) nén ta co hé
2a+c=-4 a=-2
6b+c=-36=>b=-6.
c=0 c=0
Vay phuong trinh dudng tron 12 x* + y* —2x—-6y =0.
Céu 24: Puong tron nao dudi day di qua diém A(4;-2).

A.xX*+y’=2x+6y=0. B.x’+y —4x+7y—-8=0.

C.x*+y"—6x-2y+9=0. D.x’ + " +2x-20=0.
Loi giai

Chon A.

Thay toa do diém A(4;—-2) vao cac dap an ta duoc dap an A thoa méan:

4 +(-2) -2.4+6.(-2)=0.
Cau 25: Xéc dinh vi tri twong ddi giira 2 dudng tron(C,): x> +»° =4 va (C,):(x+10)" +(y-16)" =1.

A.Cit nhau. B.Khéng cit nhau. C.Tiép xtic ngoai. D.Tiép xtic trong.

Loi gidi

Chon B.

Puong tron (C,) c6 tam 7,(0;0) va ban kinh R =2.

Puong tron ¢o tim 7, (—10;16) va ban kinh R, =1.

Tacd 1,1, =2+/89 va R +R,=3.Dod6 I,1, >R +R, nén 2 duong tron khong ct nhau.
Cau 26: Tim giao diém 2 dudng tron (C,): x*+y° =5 va (C,): x* +)° —4x—8y+15=0

A.(52)va (V2:43). B.(1;2). C.(52)va (V3:v2). D.(12)va(21).

Loi giai
Chon B. i
Toa do giao diém cua hai duong tron 1a nghiém hé phuong trinh:
X4y =5=x"+y"—4x-8y+15 x=5-2y x=1
, = S = .
x+y'=5=0 (5-2y) +y*-5=0 y=2
Ciu 27: Puong tron nao sau day tiép xuc vai truc Ox ?
A.x*+1y*=2x-10y=0. B.x’+)’ +6x+5y+9=0.
C.x*+y*-10y+1=0. D.x’+)°-5=0.
Loi gidi
Chon B.

Do duong tron tiép xtc véi truc Ox nén R=d(1,0x)=|y,|.
Phuong trinh truc Ox 1a y =0.
Pip an A sai vi: Tam /(1;5) va ban kinh R =+/26 . Tacé d(1,0x)=|y,|# R.

5
Dép an B diing vi: TAm 1(-3;-%) va ban kinh R = 5 Tacé d(1,0x)=|y,|=R.

Pép 4n C sai vi: Tam 7(0;5) va ban kinh R =24 . Taco d(1,0x)=|y,|#R.

Pép an D sai vi: Tam 7(0;0) va ban kinh R =+/5. Taco d(1,0x)=|y,|#R.
Céu 28: DPuong tron nio sau day tiép xuc voi truc Oy ?

A.xX*+y*=10y+1=0 B.x’+)° +6x+5y-1=0

C.x*+y"-2x=0. D.x’+)°-5=0.



Loi giai
Chon C.
Do duong tron tiép xuc véi truc Oy nén R=d (1,0y)=|x,|.
Phuong trinh truc Oy 1a x=0.
Pép 4n A sai vi: Tam 7(0;5) va ban kinh R=~24 . Taco d(I,0y)=|x|#R.
Dap an B sai vi: Tam 1[-3;-%} va ban kinh R = @. Tacé d(1,0y)=|x,|#R.
Dép én C dung vi: Tam /(1;0) vabankinh R=1.Tac6 d(1,0y)=|x,|=R.
Pap 4n D sai vi: Tam 7(0;0) va ban kinh R=~/5. Taco d(1,0y)=|x|#R.
Cau29: Tam dudng tron x> +p° —10x+1=0 cach truc Oy bao nhiéu ?
A.-5. B.0. C.10. D.5.
Loi giai
Chon D.
Puong tron co tim (5;0).
Khodng céch tir tim 7 t¢i truc Oy nén d(1,0y)=|x,|=5.
Céu 30: Viét phuong trinh duong tron di qua 3 diém 0(0;0), 4(a;0), B(0;b).
Ax*+y —2ax-by=0B.x*+y" —ax—by+xy=0.
C.x’+y*—ax—by=0. D.x’ —y*—ay+by=0.
Loi giai
Chon C.
Goi phuong trinh can tim ¢6 dang (C) x>+ +mx+ny+p=0.
Do A4, B, Oe(C) nén ta co hé
ma+p= —612 m=—a
nb+p=-b> <n=-b .
r=0 p=0
Vay phuong trinh duong tron 13 x° + y* —ax—by =0.
Ciu 31: Vi nhiing gid tri ndo cia m thi duong thing A:4x+3y+m=0 tiép xtic v6i duong tron
(C):x2+y2—9=0.

A.m=-3. B.m=3 vam=-3.
C.m=3. D.m=15 va m=-15.
Loi giai
Chon D.
. o 5 R [4.0+3.0+m|
Do dudng tron tiép xtic voi duong thang A nén R=d (I,A)=———=—=3 o m=1=I5.

V4% 432
Céu 32: Puong tron (x—a)’ +(y—b)* = R*cit duong thing x+y—a—b=0 theo mot diy cung co do
dai bang bao nhiéu ?
c. B2

2

A.2R B.R\2 D.R

Loi giai
Chon A.



x+y-a-b=0& y=a+b—xthayvao (x—a)’ +(y—b)’ =R’tacd
x:a+i
2

_a R
x=a NGl

: R R R R
Vay toa d0 giao diémla: 4| a+—=;b—— ;B a——;b+—
oEe (ﬁﬁj(ﬁﬁj
E=(—2—R;2—RJ:>AB:2R.
V22
Cau33: Tim toa do0 giao diém cua duong thing A:x—2y+3=0 va duong tron
(C)x2+y2—2x—4y:O.
A.(3;3)va (-L;1). B.(-1;1)va (3;-3) C.(3;3)va (I;1) D.Khong c6
Loi giai

()c—a)2+(x—a)2 =R &

Chon D.
x-2y+3=0< x=2y-3thay vao x’ +y° —2x—4y =0 ta duoc
(2y-3)" +)y*—2(2y-3)-4y=0s5y*~16y+15=0 (VN).
Ciau 34: Xac dinh vi tri twong ddi giita 2 duong tron (C,): x* +3° —4x=0 va (C,) x*+»* +8y=0.
A.Tiép xtc trong. B.Khong cit nhau. C.Cit nhau. D.Tiép xtc ngoai.
Léi gidi
Chon C.
(C)) cobankinh R =2 ; (C,) co bankinh R, =4

2 02— 4x=0 2 2 _ — 2 —
Xét hé X +y X - X +y —4x 0<:> 5y”+8y 0.
X+ +8y=0 |x=-2y x=-2y
Cau 35: Tim toa d¢ giao diém cua duong thing A:x+y—7=0 va duong tron (C):x* +3* —25=0.
A.(3; 4)va (-4; 3).  B.(4 3). C.(3; 4). D.(3; 4)va (4; 3).
Loi giai
Chon D.

A:x+y—-T7=0< y=T-x thay vao phuong trinh (C) ta duoc:
=3=>y=4
¥ a(T-x) —25=0 X’ —Tx+12=0e | 0
x=4=y=3
Vay toa d¢ giao diém la (3; 4)V2‘1 (4; 3).
Ciu 36: DPuong tron x* +y> —2x—2y—-23=0 cit duong thing A:x—y+2=0 theo mot diy cung c6
d6 dai bang bao nhiéu ?

A.5. B.2V23. C.10. D.5V2.
Loi gidi
Chon B.
X4yt =2x-2y-23=0 (x—1) +(y—1)" =25 cotam I(1; 1)vaban kinh R=5.
) “_1+2| . 2 0 \ \ A \
Goi d(1,A) = 5 =+/2 < R suy ra dudng thing A cét duong tron theo day cung 4B va

AB=2R*-d* =2/23.

Céu 37: Puong tron nio sau day tiép xuc voi truc Oy ?
A.xX*+1y"=10x+2y+1=0. B.x’+)"-4y-5=0.
C.x*+y"-1=0. D.x°+y +x+y-3=0.



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Loi giai
Chon A.
Taco:x® +y* —10x+2y+1=0< (x—5) +(y+1)’ =25¢6 tam I, (5;~1)va ban kinh R=5.
Vi d(I;0y)=5=Rnén A ding.
Tim giao diém 2 dub’ngtr(‘)n(Cl):x2+y2—2=O va (C2)1x2+y2—2x=0

A.(2; 0)va (0; 2). B.(V2; 1)va (1; —v2).

C.(1; —1)va (1; 1). D.(-1; 0)va (0; —1).
Loi giai
Chon C.
5 : 5y 4 x=1
Xét hé: x2+y2— a @{xz— s y=1.
X +y =2x=0 y =1 o

Vay ¢6 hai giao diém la: (1; - I)Vé (1; 1) .

Puong tron x> +y> —4x—2y+1=0 tiép xtuc dudng thiang nao trong cac dudong thang dudi

day?
A.Truc tung. B.A, :4x+2y—-1=0. C.Truc hoanh. D.A,:2x+y—-4=0.
Loi giai
Chon A.
Taco:x® +y* —4x—2y+1=0 (x—-2)" +(y—1) =4 cotam 7(2; 1), ban kinh R =2.
9

ﬁ,d(I,Az):% nén A dung.
Vé6i nhitng gia tri ndo cia m thi duong thiang A:3x+4y+3=0 tiép xtc véi duong tron
(C):(x—m)*+y* =9
A.m=0va m=1. B.m=4vam=-6. C.m=2. D.m=6.

Loi giai

Vi d(1,0y)=2,d(1,0x)=1,d(1,A))=

Chon B.
Puong tron c6 tim /(m;0)va ban kinh R=3.
, . 3m+3 =4
Duong thang tiép xuc v6i dudng tron khi va chikhi d(;A)=R=3< % =3 {m ‘
m=—
Cho duong tron (C):x*+3* —8x+6y+21=0 va duong thang d :x+y—1=0. X4c dinh toa

d6 cac dinh 4 ctia hinh vuéng ABCD ngoai tiép (C ) biét Aed .

A. A4(2,-1) hodc A(6,-5). B. A(2,-1) hoac A(6,5).

C. A(2,1) hodc A4(6,-5). D. A(2,1) hodc A(6,5).
Loi giai

Chon A.

buong tron (C) c6 tm (4,-3), ban kinh R =2

Toa d cua /(4,-3) thoa phuong trinh d :x+y—-1=0.Vay [ €d.

Vay AI 1a mot duong chéo cua hinh vudng ngoai tiép dudng tron, c6 ban kinh R=2, x=2 va
x=6 l1a 2 tiép tuyén ctia (C) nén

Hoidc 1a 4 1a giao diém céc duong d va x=2=> A4(2,-1)

Hoic 13 4 1a giao diém cac duong (d) va x=6= A(6, —5) .

Cho tam giac ABC déu.Goi D 1a diém dbi xting ciia C qua AB.Vé dudng tron tim D qua
A, B; M la diém bat ki trén duong tron d6 (M =AM # B) . Khang dinh nao sau day ding?



A. Do dai MA, MB, MC 1a d6 dai ba canh cia mgt tam gidc vudng.
B.MA, MB, MC laba canh cua 1 tam gidc vudng.
C.MA=MB=MC.
D.MC >MB > MA .
Loi giai.
Chon A . y
Chon hé truc Oxy sao cho Ox trung véi 4B , chiéu duong c
huéng tir 4 dén B truc Oy 1a dudng trung tryc ciia doan

AB = A(-1,0); B(1;0),C(0:43),D(0;3).

Phuong trinh duong tron tam D qua A4, B

A B
la:x? +(y++3) =4 (1). 0 =
Gid sir M (a;b)1a diém bét ki trén duong tron (1) .Taco :
MA2=(a+1)2+b2, MBzz(a—l)erbz,
MCZ:a2+(b—\/§)2. b

MA> + MB® = & +(b—\/§)2+a2 b2 4263 —1

2
=MC* +a’ +<b+\/§) -4
M nam  trén  duong  tron (1) nén
2
a’ +(b+ﬁ) —4=0= MA>+MB*> =MC* = MA, MB, MC 1a @ dai ba canh ctia mot tam

giac vudng.
Cau 43: Trong mat phéng voi hé toa d0 Oxy cho ba diém A(O;a),B(b;O),C(—b;O) Vo1

a >0, b>0.Viét phuong trinh dudng tron (C) tiép xtic v6i duong thing 4B tai B va tiép xiic
v6i duong thang AC tai C.

pY b* pY b*
A.x2+[y——j =b’+—. B.x2+[y+—] =b’+—.
a a a a
pY b* p>Y b*
C.x2+[y+—] :bz——z. D.x2+(y——j :bz——z.
a a a a
Loi giai.
Chon B.

AABC cantai A;tam I cua (C) thude Oy = 1(0;y,)
2

,ﬁ:(b;—yo),ﬁz(b;—a).Do IBAB=0=b’+ay,=0= y, =——.
a

4
Mickhic R®=IB> =0 +y2 =b" + 2 |
a

2
a a

2\2 4
Vay phuong trinh cua (C) la x* +(y+b—j _pil
Cau44: Trong mit phang v6i hé toa d0 Oxy cho duong tron hai  duong tron
(C):x*+ y* —2x—2y+1=0, (C):x*+ y*+4x—5 = 0 cung di qua M (1;0). Viét phuong
trinh duong thingd qua M céit hai duong tron (C),(C')lan luot tai 4, Bsao cho

MA=2MB.
A.d:6x+y+6=0 hodc d:6x—y+6=0. B.d:6x—y—-6=0 hodc d:6x—y+6=0.
C.d:—6x+y—-6=0 hodc d:6x—y—-6=0. D.d:6x+y—-6=0 hodc d:6x—y—-6=0.



Cau 45:

Loi giai.
Chon D
. \oas 2 L , - x=1+at
Goi d 1a duong thang qua M c6 véc to chi phuong u=(a;b)=d: .
y =
-DBuong tron (C,): 1, (L1),R =1.(C,):1,(-2;0),R, =3 ,suyra:

(C):(x=1) +(y=1)" =1L,(C,):(x+2) +)»* =9

t=0>M ab op?
“Néudcit (C)tai 4: =(a*+b*)>-2bt =0 = Al 14222
( 1) ' ( ) = 22b > a’+b* a* +b?
a +b
t=0->M 64 6ab
_Néudcét(Cz)taiB::>(a2+b2)t2+6at=0<:> 6a < B|1- 2a ;- za -
[=—— 7 a +b a +b
a’+

- Theo gia thiét: MA =2MB < MA®> =4MB* (*)

2 2 2 2 2 2
Tacé'( 2ab j N 2b 4 6a +( 6ab ]
adt+b? a’+b° a’+b’ a’+b*

2 2 b=—6a—>d:6x+y—6=0
Wb 43 Ly osed o ¢ Yy
a +b a +b b=6a—>d:6x—y—-6=0

Trong hé toa d0 Oxy, cho hai duong tron cé phuong trinh (Cl):x2+y2—4y—5=0 va

(C,):x*+y*—6x+8y+16=0. Phuong trinh nao sau ddy la tip tuyén chung cua (C,) va

>
[\
—_—
[\
|
W

ﬁ)x+(2—3ﬁ)y+4:o hodc 2x+1=0.

B. 2(2-3v5)x+(2+3V5)y+4=0 hoge 2x+1=0.
(2—3\/§)x+(2—3\/§)y+4=0h05c 2(2+3\/§)x+(2—3\/§)y+4=0.

D.2(2-3V5)x+(2-3V5) y+4=0hoge 6x+8y-1=0.

Loi gidi.

Chon D
-Taco:

(C):x*+(y=2) =9=1,(0;2),R =3, (GC):(x=3) +(y+4) =9=1,(3-4),R, =3
-Nhan xét: [,I, =v/9+4 =13 <3+3=6=(C,)khong cit (C,)
-Goi d:ax+by+c=0 (a’+b>#0)1a tiép tuyén chung , thé thi: d (1,,d)=R,,d (1,,d) =R,
|2b+c| _ (1)
Ja+b? _ [2b+e| _Pa—4b+d]

Ba—db+d|_, Nat +b* NP+ b

<:>|2b+c|:|3a—4b+c|

2
Ja® +b’ ( )
{3a—4b+c=2b+c
=
3a—4b+c=-2b-c
a=2b - L s 2 2 2
= . Mat khac tir (1): (2b+c¢) =9(a +b )<:>
3a-2b+2c=0

- Trudng hop: a =2b thay vao (1) :



2b-35¢

4
(2+3\/§)c

4

b=
(2b+c)’ =9(46° +7) = 416° —4bc —c* =0.A", =4c” +41c” =450 <
b:

- Do d6 ta c6 hai duong thiang can tim :

dl:(2_2\/5)x+(Z_j\/g)y+1:O<:>2(2—3\/§)x+(2—3\/§)y+4:O

(2+3V5)  (2+3V5)

dy i y+1=o@2(2+3J§)x+(2+3ﬁ)y+4=0

2b—3a
2
a+b°

‘2]) +

- Truong hop : c:Ta, thay vao (1) :

:3<:>|2b—a|=\/az+b2

h=0—c=-2 b=0,a=-2c
<:>(2b—a)2=a2+b2<:>3b2—4ab:0<:> 2 o 4a

- Vay c6 2 dudong thang : d,:2x—1=0, d, :6x+8y—1=0
Céu 46: Viét phuong trinh tiép tuyén chung cua hai duong ‘[r(‘)n:(Cl):(x—S)2 +( y+12)2 =225 va

(C):(x=1)" +(y-2)" =25.

1441047 175+10J7 14+10ﬁ 175 10\/_
Acd:| 2Ny —0h ~0.
21 21
B 4 14-104/7 . 17541047 0 hodc d- 14+10ﬁ 175 10x/_ o
21 21
14-1047 17541047 14+10ﬁ L 175- 10x/_
Cod:| 2= iy —0h ~0.
21 21
D.d- 141047 - 17541047 o 14— 10ﬁ 175- 10J_ o
21 21
Loi giai
Chon B

-Ta ¢ (C) véitam I(5;-12),R=15. (C') ¢6 J(1;2) va R'=5. Goi d la tiép tuyén chung
c6 phuong trinh: ax+by+c=0 (a’ +b> #0).
|5a—-12b+|

Ja* +b?

-Tur (1) va (2) suyra: [5a—12b+c|=3|a+2b+c| @{

|a+2b+c| 5(2)
a’ +b?

S5a—-12b+c=3a+6b+3c
5a—-12b+c¢=-3a—-6b-3c

-Khidé taco: h(l,d)= =15 (1), h(J,d)=

a-9b=c

3 . Thay vao (1): |a+2b+c|=5Va’ +b* tac hai truong hop :
—2a+—b=c

- Truomg hop : c=a-9b thay vao (1): (2a—7b)" =25(a* +5*) < 21a’ +28ab—24b> =0



Cau 47:

Cau 48:

Cau 49:

17541047
21

0

X+
5 y

141047 14-1047
—1 ->d: —21

Suyra:

0
21 21

14+1047 [14+1oﬁ] 175-1047
a=——->od: 5 X+y———=

- Trudng hop : c:—2a+%b:> (1):(7b—2a)" =100(a’ +b*) < 96a’ +28ab+516> =0 . Vo

nghiém. (Phi hop vi : I/ =16+196 =212 < R+ R'=5+15=20=+/400 . Hai dudng tron
cit nhau) .
Trong mit phang véi hé toa dd6 Oxy, cho dudng tron (C):x2 +y’+2x-8y-8=0. Viét
phuong trinh dudng thang song song véi duong thiang d :3x+y—2=0 va cat dudng tron theo
mot ddy cung c6 do dai bang 6.
A. d":3x—y+19=0 hoac d':3x+y-21=0.
B.d":3x+y+19=0 hoac d":3x+y+21=0.
C.d":3x+y+19=0 hodc d'":3x+y—-21=0.
D.d":3x+y—-19=0 hodc d':3x—y—-21=0.
Loi giai
ChonC
- Buong thang d' song song véi d :3x+y+m=0
|-3+4+m| |m+]|

- IH lakhoang cach tir / dén d': IH = .

. AB?
- Xét tam giac vuéng /HB: IH’ = IB’ —( 2

j=25—9:16

(m+1)° m=19—d':3x+y+19=0

=16 < |m+1]=20= :
m=-21->d":3x+y-21=0

Trong mit phing voi hé toa dd Oxy. Cho duong tron (C):x’ +y* —4x—2y—1 = 0va dudng

thang d : x+ y+1= 0. Tim nhiing diém M thudc duong thang d sao cho tir diém M ké duoc

dén (C) hai tiép tuyén hop véi nhau goc 90°.
AM, (2332 -1) hoge M, (V22 -1).  B.M, (V232 +1) hode M, (v2;2 +1).
C.M, (V2532 -1) hoge M, (V2;-2-1). DM, (/242 -1) hode M, (V242 +1).

Loi giai
Chon A. ) )
- M thugc d suyra M(¢;—1—¢). Néu 2 tiep tuyén vudng goc
v6i nhau thi MAIB 14 hinh vudng (4, B 1a 2 tiép diém). Do
46 AB=MI =142 = R\V2 =62 =23
“Taco: MI=\(2—1) +(2+1) =27 +8 =243
- Do do

t=—2 > M, (—\/5;\/5—1)
200 +8=12 =1 =2 < .

=3 o M (VBT )
Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) 6 phuong trinh:
>+ +43x—4=0 Tia Oy cit (C) tai A(0;2). Lap phuong trinh dudng tron (C'), ban

kinh R'=2 va tiép xtic ngoai véi (C) tai 4.



Cau 50:

A(C):(x—B) +(y+3) =4. B.(CY):(x—+3) +(y-3) =4.
C.(C):(x+3) +(y-3) =4. D.(C"):(x+3) +(y+3) =4.

Loi gidi
Chon B
- (C) 0 I (—2\/§ ;0), R=4. Goi J la tim dudng tron  cén
tim: J(a;0) = (C"):(x—a) +(y-b) =4

-Do (C) va (C ') tiép xGc ngoai v&6i nhau cho nén khoang céach

J=R+R' :>\/(a+2ﬁ)2+b2 —4+2=6<a’ +43a+b> =28
- Vi A4(0;2) la tiép diém chonén : (0—a)’ +(2-b) =4(2)

2
(a+2x/§) +b’ =36<:>{a2 +43a+b* =24

-Dodotacohé:
a’—4b+b*> =0

a*+(2-b) =4
- Gidi hé tim duge: b=3 v a =3 = (C):(x—3) +(y-3) =4.
Trong mat phing Oxy, cho hai duong tron : (C,): x>+’ =13 va (C,):(x—6) +y* =25
cdt nhau tai 4(2;3).Viét phuong trinh tt cd dudng thingd di qua 4 va cit (C,),(C,) theo

hai day cung c6 do dai bang nhau.

Ad:x-2=0va d:2x-3y+5=0. B.d:x-2=0vad:2x-3y-5=0.
C.d:x+2=0vad:2x-3y-5=0. D.d:x-2=0va d:2x+3y+5=0.
Loi giai
Chon A.
- Tur gia thiét : (C,):1=(0;0),R=+13.(C,);J(6;0),R'=5
c e 2 ., , - x=2+at
- Goi dudng thang d qua A(2;3) c6 véc to chi phuong u=(a;b)=d : by
y=3+
x=2+at -~
-d ¢kt (C) tai 4, B: & {y=3+bt <:>[(a2+b2)t2+2(2a+3b)t]=0—>t=—?;bz
a’+
x*+y* =13
b(2b—3a) a(3a-2b) . , . . o
B T . Tuong ty d cat (Cz) tai 4,C thitoa d) cua 4,C la nghiém
a +b a +b
x=2+at
L 2(4a-3b) 10a®> —6ab +2b> 3a* +8ab —3b’
ciahé: ©y=3+bt >t=—F—->-C — ; —
a +b a +b a +b

(x—6)2+y2:25

- Néu 2 day cung bang nhau thi A 14 trung diém ciia A, C. Tir d6 ta c6 phuong trinh :
0s:d: x=2

26°~3ab) 104 : ERGRN PP T

( M ), 104 0ab+ 20" _ 4 o 60> —9ab=0 = 4
a +b a +b 3 - (3 —

ang—nt: Eb;b /u'=(3;2)

f—

x=2+3t

. Vay ¢6 2 duong thang: d :x—2=0va d":2x-3y+5=0.
y=34+2t

Suy ra : —)d:{



PUONG TRON TRONG MAT PHANG TOA PO

DANG 1. NHAN DANG PHUONG TRINH PUONG TRON

Cau 1:

Cau 2:

Cau 3:

Tim tat ca cac gid tri cua tham s& m dé phuong trinh x* +y° —2(m+2)x+4my+19m—-6=0

la phuong trinh duong tron.

A l<m<?2. B. m<-2 hoac m>—1.
C. m<-2 hoac m>1. D. m<1 hodac m>2.

Loi gidi
Chon D

Tacod x> +y* =2(m+2)x+4my+19m-6=0 (1)
=a=m+2;b=-2m;c=19m—6.
Phuong trinh (1) 1a phuong trinh duong tron < a” +b> —c >0

< 5m* —15m+10>0< m <1 hodc m>2.

Trong mit phang Oxy, phuong trinh nao sau ddy 1a phuong trinh cua duong tron?

A x> +2y" —4x—8y+1=0. B. X’ +y* —4x+6y-12=0.

C. x>+ —2x-8y+20=0. D. 4x° +1* -10x—6y-2=0.
Loi giai

Chon B

Dé 1a phuong trinh duong tron thi diéu kién can 12 hé s cia x” va y® phai bang nhau nén loai

duoc dap &n A va D.

Tacé: x*+)* —2x-8y+20=0< (x—1) +(y—4)" +3=0 vo ly.

Tacé: x> +y* —4x+6y—12=0< (x—2)" +(y+3)" =25 1a phuong trinh dudng tron tam
1(2;-3), ban kinh R=5.

Phuong trinh nao sau day la phuong trinh ctia duong tron?

A 2x*+y* —6x-6y-8=0. B. X’ +2y" —4x-8y-12=0.

C.x*+y*—2x-8y+18=0. D. 2x* +2y° —4x+6y-12=0.
Loi giai

Chon D

Biét rang x* + y* —2ax —2by +¢ =0 1a phuong trinh ctia mot duong tron khi va chi khi
2 2
a +b"—c>0.

Ta thiy phuong trinh trong phuong 4n 4 va B c6 hé sb cua x>, »* khong bang nhau nén day
khong phai 1a phuong trinh duong tron.



Cau 4:

Cau 5:

DANG 2.
Ciu 6:

Cau 7:

Véi phuong an C ¢6 @’ +b* —c=1+16—18 <0 nén day khong phai la phuong trinh dudng
tron. Vay ta chon dap an D.

Phuong trinh nao sau ddy l1a phuong trinh cia mot duong tron?

A X'+ —4xy+2x+8y—3=0. B. x* +2y" —4x+5y-1=0.

C. x> +y*—14x42y+2018=0. D. X+’ —4x+5y+2=0.
Loi giai

Chon D

Phuong an A: c6 tich xy nén khong phai la phuong trinh duong tron.

Phuong 4n B: c¢6 hé sé bac hai khong bang nhau nén khéng phai 1a phuong trinh dudng tron.
Phuong an C: ta c6 x* 4 y* —14x 42y +2018 =0 (x—7)" +(y+1)" +1968 = 0 khong ton
tai x,y nén cling khong phai phuong trinh duong tron.

Con lai, Chon D

Cho phuong trinh x* + 3 —2mx—4(m—2)y+6—m=0(1). Diéu kién ctia m dé (1)1a phuong

trinh cia duong tron.

m<1 m=1
A.-m=2. B. . C.l<m<2. D. .
m>2

Loi giai
Chon B
x*+y* =2mx—4(m—2)y+6—m=0(1)1a phuong trinh cta duong tron khi va chi khi
m<1

2 2 2
20m=2)| —(6— -1 1 .
(m) +[ (m )] (6 m)>0< 5m* —15m+ 0>0©[m>2

TIM TQA PQ TAM, BAN KiNH PUONG TRON

Trong mit phing Oxy, dudng tron (C) X+ +4x+6y—12=0 cob tam la.

A. 1(-2;-3). B. 1(2;3). C. I(46). D. I(-4;-6).
Loi giai

Chon A

Ta c6 phuong trinh duong tron la: (x+ 2)2 +(y+ 3)2 =25.
Vay tdm duong tron la: 1(-2;-3).

DPuong tron x> + »> —10y —24 = 0 ¢o ban kinh bang bao nhiéu?
A. 49 B. 7. C. 1. D. V29.
Loi giai

Chon B




DPuong tron x* + y* =10y —24 =0 c6 tam /(0;5), ban kinh R=\/02 +57—(-24)="7.

Cau 8:  Xac dinh tdm va ban kinh ctia duong tron (C):(x+ 1)2 +(y —2)2 =9.

A.Tam /(-1;2), bankinh R=3. B. Tam (-1;2), ban kinh R=9.

C.Tam /(1;-2), bankinh R=3. D. Tam /(1;-2), ban kinh R=9.
Loi giai

Chon A

Cau9: Timtoaddtam / vabankinh R cua duong tron (C): x* + )" —2x+4y+1=0.
A I(-1;2);R=4.  B.I(L;=2);R=2. C.I(-1;2);R=+5. D.I(1;-2);R=4.
Loi giai
Chon B

(C) co tam I(1;-2), ban kinh R =1 +(-2)’ -1=2.

Céu 10: Trong mit phiang Oxy, cho duong tron (C) : (x—2)2 +(y-|-3)2 =9. Puong tron c6 tdm va ban

kinh 1a

A. 1(2;3),R=9. B. 1(2;-3),R=3. C.I(-3;2),R=3. D.I(-2;3),R=3.
Loi giai

Chon B

Duong tron (C) c6 tam 7(2;-3) va ban kinh R=3.
Cau 11: Tim toa d tim / va tinh ban kinh R cta dudng tron (C): (x+2)" +(y-5)" =9.
A. I(=2;5), R=81..  B. I(2:=5), R=9.. C.I(2:=5), R=3.. D. I(-2:5), R=3.
Loi giai
Chon D

Theo bai ra ta c6 toa d tam 7/(-2;5) va ban kinh R=3.

Cau 12: DPuodngtron (C):x*+y* —2x+4y-3=0 c6 tim !, ban kinh R 1a
A I(-1;2),R=~2. B.I(-1;2),R=2v2. C. I(,-2),R=+2. D.I(1;-2),R=22.
Loi gidi

Chon D

Tam 1(1;-2), bin kinh R = /1" +(=2)" —(=3) =8 =22.
DANG 3. VIET PHUONG TRiNH PUONG TRON

Dang 3.1 Khi biét tim va bdn kinh

Cau 13: Phuong trinh dudng tron ¢6 tdm /(1;2) va bankinh R=5 1a
A x*+3y*—2x-4y-20=0. B. X+’ +2x+4y+20=0.
C.x"+y*+2x+4y-20=0. D. x*+y*—2x-4y+20=0.




Loi gidi

Chon A

Phuong trinh duong tron ¢6 tim 7(1;2) va ban kinh R=5 1a (x—1)"+(y-2) =5
S X -2x+1+)y" —4y+4=25 > x*+y" -2x-4y-20=0.

Ciu 14: DPudng tron tdm /(-1;2), ban kinh R =3 c6 phuong trinh la

A X’ +)y +2x+4y-4=0. B. X’ +)"—2x-4y-4=0.

C.x*+y" +2x-4y-4=0. D. X+’ =2x+4y—-4=0.
Loi giai

Chon C

Puong tron tdm [ (—l; 2) , ban kinh R=3 ¢6 phuong trinh Ia

(x+1) +(y-2) =9 x> + )7 +2x—4y—4=0.

Cau 15: Phuong trinh nao sau day la phuong trinh ciia duong tron tam / (—1; 2) , ban kinh bang 3?

Ao (x=1) +(y+2) =9. B. (x+1)" +(y+2)" =9.

C. (x=1) +(y-2)" =9. D. (x+1) +(y-2)" =9.
Loi gidi

Chon D

Phuong trinh duong tron tm /(—1;2) va bankinh R=3 la: (x+ 1)2 +(y- 2)2 =9.

Dang 3.2 Khi biét cac diém di qua

Cau 16: DPuong tron (C) di qua hai diém A(l;l), B(5;3) va c6 tam [ thudc tryc hoanh c6 phuong

trinh la

A. (x+4)+)*=10.  B.(x-4) +)2=10. C.(x—4) +y*=10.D. (x+4)"+ > =+/10.
Loi giai

Chon B

Goi 1(x;0)eOx; I =IB” < (1-x) +1=(5-x) +3* & x’ - 2x+1+1=x"~10x+25+9

& x=4. Vay tam duong tron 1a 1(4;0) va bankinh R=14=/(1-4)" +1* =410.
Phuong trinh dudng tron (C) c6 dang (x—4)2 +y>=10.

Cau 17: Trong mat phéng voi hé toa do Oxy, tim toa d0 tdm [ cta duong tron di qua ba diém 4 (0; 4) ,
B(2;4), C(2;0).
A I(L1). B. 1(0;0). C. 1(1;2). D. I(10).
Loi giai

Chon C




Cau 18:

Cau 19:

Cau 20:

Gia sir phuong trinh dudng tron di qua 3 diém 4, B,C c6 dang (C) X+ Y +2ax+2by+c=0

Thay toa d6 3 diém A4(0;4), B(2;4), C(2;0) ta duoc:

&8b+c=-16 a=-1
4a+8b+c=-20= b:—2:>(C):x2+y2—2x—4y:0_
da+c=-4 c=0

Viy (C) c6 tam 7(1;2) va bén kinh R=+/5 .

Cho tam giac ABC cé A(l;—l),B(3;2), C(S;—S). Toa do tAm dudng tron ngoai tiép tam giac
ABC 1a

A. ﬂ;_g J B. 4_7;2 . C. _ﬂ;_g . D. _4_7’£ )
— (10 10 10 10 10 10 10 10

Chon A

Goi I(x; y) 1a tam dudng tron ngoai tiép tam gidc ABC .

47

AI* = BI’ AV +(y+1) =(x=3) " +(y-2) (4 =11 |70
Tacc’):{ 2 2@{(96 )2 (v )2 (x )2 (v )2@*{ x+6y=11_ |7 10
AP =CI - |(x=1) + (p+1) = (x=5) +(y+5)"  (8x=8y=48 | _ 13

10
1 ﬂ;—ﬁ .
10 10

Trong mit phdng Oxy, dudng tron di qua ba diem 4(1;2), B(5;2), C(1;-3) c6 phuong trinh

la.

A xX*+y"+25x+19y-49=0. B. 2x* + )y’ —6x+y-3=0.

C. x*+y" —6x+y-1=0. D. x*+y* —6x+xy—-1=0.
Loi giai

Chon C

Phuong trinh dudng tron ¢6 dang x° + y* —2ax —2by +c = 0. Duong tron ndy qua 4, B,C nén

1+4-2a—4b+c=0 a=3
25+4-10a—4b+c=0< b=—%.
1+49-2a+6b+c=0
c=-1
Vay phuong trinh duong tron can tim 13 x> + y> —6x+y—1=0.

Lap phuong trinh duong tron di qua hai diém A(3;0),B(O;2) va ¢6 tdm thudc duong thing
d:x+y=0.

2 2 2 2
A. x—l A y+l =£. B. x+l + y+l =E.
2 2 2 2 2 2




Cau 21:

Chon A
A(3;0), B(0;2), d:x+y=0.
Goi I 1a thm dudng tron vay I(x;—x) vi T ed.

1 I 1
14’ = IB’ <:>(3—x)2+xz=xz+(2+x)2 < —6x+9=4x+4 <:>x=E.Vély 1(5;—5}

2 2
4= \/(3 —%j + (%) = @ 1a ban kinh duong tron.

2 2
Phuong trinh dudng tron can lap la: (x - %) + ( v+ %) = % .

Cho tam giac ABC biét H (3;2) , G(g,gj lan luot 1a tryc tAm va trong tam cua tam giac,

duong thang BC ¢6 phuong trinh x+2y—2=0. Tim phuong trinh dudng tron ngoai tiép tam
giac ABC?

A. (x+1)" +(py+1) =20. B. (x—2)" +(y+4) =20.
C. (x—1) +(y+3)" =1. D. (x—1) +(y-3)’ =25.

Loi giai
Chon D

A
I
G
B ” c

*) Goi I 1a tim duong tron ngoai tiép tam gidc ABC .

3 ’H%G*J 1
— _ X, =
:HI:EHG: 3/g :>{ ! 3
Yr=
2=2[2 5
Vi 2(3 ]




Cau 22:

*) Goi M 1a trung diém ciia BC = IM 1 BC = IM :2x—y+1=0.

2x—y=-1 =0
M=mmABC = T =1 = M (0;1).
x+2y=2 y=1

xA=3.§

x,=5

8 j{ 6
yA—1:3.(§—1j Ya=

Suy ra: ban kinh dudng tron ngoai tiép tam gidc ABC 1a R=1I4=5.

Lai co: MA=3MG =

Vay phuong trinh duong tron ngoai tiép tam gide ABC 1a (x— 1)2 +(y- 3)2 =25.

Trong mit phang toa do Oxy, cho tam giac ABC c6 truc tdim H , trong tam G(—l;3). Goi
K,M,N lan luot 14 trung diém cua AH, AB, AC . Tim phuong trinh dudng tron ngoai tiép tam
gidc ABC biét dudng tron ngoai tiep tam gidc KMN 1a (C):x* +y’ +4x—4y—-17=0.

A. (x—1) +(y—5)° =100. B. (x+1)" +(y—5)" =100.

C. (x=1)" +(y+5)" =100. D. (x+1) +(y+5)" =100.
Loi gidi

Chon A

E

Goi E latrung diém BC, J la tam duong tron ngoai tiép A4ABC.

MK || BH KN ||CH
Tacod SME||AC = MK L ME (1), {NE|| 4B = KN L NE(2)
BH 1 AC CH 1 AB

Tur (1),(2) = KMEN 1a tir gidc ndi tiép dudng tron duong kinh KE .

Duong tron (C):x2 +y* +4x—4y-17=0 co tam I(—2;2) ban kinh »=5 = I 1a trung diém
KE.

KHEJ 14 hinh binh hanh = 7 1a trung diém JH




Cau 23:

= J(L5).

T x,+2=3(-1+2) x, =1
Tacéo: IJ=3IG = =

y,-2=3(3-2) y, =5
Bén kinh dwdng tron ngoai tiép AABC 1a R=JA4=2IK =2r=10.
Phuong trinh dudng tron ngoai tiép A4BC 1a: (x - 1)2 +(y- 5)2 =100.

Trong mit phang toa dd Oxy, cho tam giac ABC c6 truc tim O. Goi M 1a trung diém cua
BC; N, P lan luot 1a chan duong cao ké tor B va C. Puong tron di qua ba diém M, N, P

2
c6 phuong trinh 1a (T ) : (x—l)2 +( y +%) = % Phuong trinh dudng tron ngoai tiép tam giac

ABC la:

Ao (x=1) +(y+2) =25. B. x* +(y—1)" =25.

C. x* +(y-1)" =50. D. (x=2) +(y+1) =25.
Loi giai
A

B M C

Taco M 1atrung diém cua BC; N, P lan luot 1a chan duong cao ké tir Bva C. Puong tron
di qua ba diém M, N, P la duong tron Euler. Do d6 duong tron ngoai tiép tam gidc ABC
chinh 13 4nh ctia duong tron Euler qua phép vi tu tim 1a O, ty sb k =2.

Goi 7 va I' 1an luot 1a tim dudng tron ngoai tiép tam gidc MNP va tam giac ABC .

Goi R va R’ 1an luot 1a ban kinh dudng tron ngoai tiép tam giac MNP va tam gidc ABC .
1 .
Taco I(l;—zj vadodo OI' =201 = 1'(2;-1).
s 5 '
Mat khac R:E:R =5.

Vay phuong trinh duong tron ngoai tiép tam gidc ABC la: (x— 2)2 +(y+ 1)2 =25.

Nhan xét: Dé bai nay rat khé dbi véi hoc sinh néu khong biét dén dudng tron Euler.




Dang 3.3 Sir dung diéu kién tiép xiic
Céu 24: Trong mit phang toa dd Oxy, phuong trinh ctia duong tron c6 tam 1a gbc toa dd O va tiép xuc

v6i duong thang A: x+y—2=0 la

A.x2+y2:2. B.x2+y2:\/§.

C. (x—1) +(y—1=+2. D. (x—17+(y—1) =2.
Loi giai

Chon A

Duong tron ( ) tam O, ban kinh R tiép xtic véi A nén cé:

eestom-2om

2
Phuong trinh dudng tron (C ) cxP 4yt =2,

Cau 25: Trong mit phang toa do (Oxy) , cho duong tron (S ) ¢6 tim / nam trén duong thang y =—x,
ban kinh R=3 va tiép xUc véi céc truc toa d§. Lap phuong trinh cia (S ) , biét hoanh d6 tam 7
1a s6 dwong.

A (x=3)" +(y-3)" =9.
C. (x-3) —(»-3)" =9
Loi giai

Chon B

Do tdm / nam trén dudng thang y = —x = I(a;—a) , diéukién a>0.

Duodng tron () c6 ban kinh R =3 va tiép xdic véi cac truc toa do nén:

d(1;0x)=d(I;0y)=3 < |a|=3 < a=3(n)va=-3()=1(3;-3).

Vay phuong trinh (S):(x—3)2 +(y+3)2 :9.

Cau 26: Mot duong tron c6 tdm 1(3;4) tiép xtc voi duong thing A:3x+4y—-10=0. Hoi ban kinh

duong tron bang bao nhiéu?

A.é. B. 5. C.3. D.g.
3 - 5
Loi giai
Chon C

Buong tron tam / (3;4) tiép xtc voi duong thang A :3x+4y—10=0 nén ban kinh duong tron
chinh 1a khoang cach tir tam [(3 ; 4) t6i duong thang A:3x+4y—-10=0.

3.3+4.4-10] 1

V3 4 5

Céu 27: Trong hé truc toa dd Oxy, cho diém 1(1;1) va duong thing (d) :3x+4y—-2=0. Duong tron

Taco: R=d(I,A)= =3.

tam / va tiép xtic v6i dudng thang (d) c6 phuong trinh




A. (x=1)"+(y-1) =5. B. (x—1) +(y-1)" =25.

C. (x—1) +(y-1)° =1. D. (x—1) +(y-1) =

Chon C

):|3.1+4.1—2| »

Puong tron tdm / va tiép xtc voi dudng thang (d) co bankinh R=d (I,d
() ( N3P+ 47
Vay duong tron co phuong trinh 1a: (x - 1)2 +(y- 1)2 =1.

Cau 28: Trén h¢ truc toa do Oxy, cho duong tron (C) c6 tam [ (—3;2) va mot tiép tuyén ctia nd co

phuong trinh 14 3x +4y—9 = 0. Viét phuong trinh ctia duong tron (C).

A (x+3) +(y-2)" =2. B. (x=3) +(y+2) =2.

C. (x—3)2+(y—2)2=4 D. (x+3)2+(y—2)2=4.
Loi gidi

Chon D

Vi duong tron (C) c6 tdm [ (—3;2) va mot tiép tuyén cta né 1a dudng thang A c¢6 phuong

tinh I3 -+ 4y ~9— 0 nén bin kinh cia duimg tron la R = d(1,4)= > #27%]
rinh 1a 3x+4y—9 =0 nén ban kinh cua duong tronla R=d(/,A) = =
V3 + 4

Vay phuong trinh duong tron la: (x + 3)2 +(y- 2)2 =4

Ciu 29: Trén mat phang toa dd Oxy, cho cac diém A(3;0) va B(0;4). Puong tron ndi tiép tam gidc
OAB c¢6 phuong trinh

A. X' +y =1. B. X’ +)’—4x+4=0.

C. X’ +y*=2. D. (x—1)" +(y-1) =1.
Loi giai

Chon D

Vi céc diém A(3;O) va B(O;4) nam trong goc phan tu thir nhit nén tam gisc O4B ciing nam

trong goc phan tu thir nhat. Do vy goi tim duong tron ndi tiép 1a 1 (a,b) thi a>0,6>0.




Theo dé ra ta co: d(I;0x)=d(I;0y)=d(I;4B).

Phuong trinh theo doan chin cua 4B la: §+£ =1 hay 4x+3y-12=0.

=l |a| =] a=b>0
Do vay ta cé: <13[7a-12=5a <{la=6(l).
[4a+3b—12|=5/a| {
Ta—12=-5a a=1

Vay phuong trinh duong tron can tim Ia: (x— 1)2 +(y- 1)2 =1.

Cau 30: Cho hai diém A(3;O) , B (0;4). DPuong tron ni tiép tam gidc OAB cé phuong trinh 1a

A x> +y*=1. B. X’ +)"-2x-2y+1=0.
C.x"+y"—6x—-8y+25=0. D. x’+y°=2.

Loi giai
Chon B

Taco O4=3,0B=4, AB=5.
Goi I(x,;y,) 1atdm dudng tron ndi tiép tam gidc OAB.
Tirhé thite AB.IO +OB.IA+OAIB=0 tadugc

_ ABx,+OB.x,+0Ax, 43

X, = =1
AB + OB + OA 5+4+3 — I(1:1)
_AB.y,+OB.y ,+OA.y, 34
i AB+ OB+ 0A 5+4+3

Mit khac tam gidc OAB vudng tai O v6i r 1a ban kinh duong tron ndi tiép tam giac thi

r=;= 04+ OB+ AB =3+4+5=1 (S, p lan lugt 1a dién tich va ntra chu vi tam giac).

2
Vay phuong trinh dudng tron ndi tiép tam gidc OAB la (x— 1)2 +(y— 1)2 =1
hay x° +y2 -2x-2y+1=0.

DANG 4. TUONG GIAO CUA PUONG THANG VA PUONG TRON

Dang 4.1. Phwong trinh tiép tuyén

Céu 31: Puong tron x” + > —1=0 tiép xtic voi dudng thing nao trong cac dudng thing dudi day?
A.3x—4y+5=0 B. x+y=0 C.3x+4y-1=0 D. x+y-1=0
Loi giai
Chon A

x*+y*=1=0 co tam O(0;0),R=1.




Cau 32:

Cau 33:

Piéu kién dé dwong thang tiép xiic véi dwong tron la khodng cdch tir tam téi dwong thang bang
ban kinh.

Xét dap an A:

3.0-4.0+5 .
A:3x—4y+5:0:>d(0,A)=¥=1=R3A tiép xac vai duong tron.

Puodng tron nao sau day tiép xuc véi truc Ox:

A. x>+ =10x=0. B. X’ +1y*-5=0.

C.x*+y*=10x-2y+1=0. D. x*+)’ +6x+5y+9=0.
Loi giai

Chon D

Pudng tron (C)tiép xtc véi truc Ox khi d(£,0x)=R vé6i I va R lan lugt 1 tam va ban kinh

cua dudng tron (C ) .

Puong tron: x° +3° —10x =0 < (x—5)* + y> =25 ¢ tAm 1(5;0) ,ban kinhR =35,
d(I,OX) =0. Suy ra: d([, OX) #R. Vay (C) khong tiép xtc véi truc Ox.

= khong phai 1a phuong trinh dudng tron.

[].Xét phuong trinh duong tron: x* +y° —5=0 co I(O;O) va R=~/5,d (I,OX) =0.

Suy ra: d(I,Ox) #R.Vay (C) khong tiép xtic véi truc Ox.

[1Xét phuong trinh dudng tron: x* +y” —10x—2y+1=0¢6 I(51) vaR=5,d (LOx)=1.
Suy ra: d(1,0x)# R. Vay (C) khong tiép xtic véi truc Ox.

[1Xét phuong trinh dudng tron: x” + y° +6x+5y+9=0 c6 I(—3;—%) va R= %,d(I,OX) =

N | L

. Suy ra: d(I,Ox) =R. Vay (C)tiép xuc voi truc Ox

Trong mit phing voi hé toa do Oxy, cho duong tron (C):x”+y* —2x-4y+3=0. Viét
phuong trinh tiép tuyén 4 cua duong tron (C) biét tiép tuyén dé song song véi dudng thing
A:3x+4y+1=0.
A.3x+4y+5Y2-11=0; 3x+4y—5J2+11=0.
B. 3x+4y+5V2-11=0, 3x+4y—5J2-11=0.
C.3x+4y+5J2-11=0, 3x+4y+5J2+11=0.
D. 3x+4y—5V2+11=0, 3x+4y—5J2-11=0.
Loi giai
Chon B

(C):x*+y" —2x—4y+3=0 & (x—1) +(y-2)" =2.




Cau 34:

Cau 35:

Do d6 dudng tron ¢6 tam 7 =(1;2) va ban kinh R=+/2.

Do d song song v6i dudng thing A nén d c6 phuong trinh 13 3x+4y+k =0, (k #* 1) .

, 11+ 4] l+k=5v2  |k=5/2-11
Taco d(1;d :R©—=ﬁ<:>11+k:5\/5<:> & .
() V32 + 42 1+ 1+k=-5V2 |k=-5V2-11

Vay c6 hai phuong trinh tiép tuyén can tim 1a 3x+4y+5\/§—1 1=0, 3x+4y—5\/§—11 =0.
Cho duong tron (C):x2 +y> —2x—4y—4=0 va diém A(I;S). Puong thang nao trong cac
duong thang dudi dy 12 tiép tuyén cia duong tron (C ) tai diém A .
A. y-5=0. B. y+5=0. C.x+y-5=0. D. x—y-5=0.
Loi giai
Chon A
Dudng tron (C) 6 tam 1(1;2) = 14=(0;3).
Goi d 1a tiép tuyén cua (C ) tai diém A, khi d6 d di qua 4 va nhan vecto 14 1a mot VTPT.
Chon mot VIPT cta d 1a n, =(0;1).
Vay phuong trinh duong thang d1a y—5=0.
Cho duodng tron (C ):x2 +3y°—4=0 va diém A(—I;Z). Puong thiang nao trong cic duong
thang dudi day di qua 4 va 1a tiép tuyén cua dudng tron (C ) ?
A. 4x=3y+10=0. B.6x+y+4=0.  C.3x+4y+10=0. D.3x—4y+11=0.
Loi giai
Chon A
Puong tron (C) c6 tam 1a gbc toa do 0(0;0) va c6 ban kinh R=2.
Ho duong thing A qua A(-1;2):a(x+1)+b(y—2)=0,véi @’ +b* #0.

|a—2b|

Ja* +b*

Piéu kién tiép xtic d (O;A)=R hay =2 < (a-2b) =4(a’ +1")

&3’ +4ab=0<
Véia=0,chon b=1tacod A :y-2=0.

Véi 3a=—-4b,chon a=4 va b=-3 tacod A, :4(x+1)—3(y—2)=O<34x—3y+10=0.

Nhan xét: Thuc ra bai nay khi thay toa do diém A(—I;Z) vao cac dudng thang & cac phuong

an thi ta loai C. va D. Tinh khoang cach tir tdm cua duong tron dén duong thang thi chi co
phuong an A. thda.




Cau 36:

Cau 37:

Cau 38:

Trong mit phang Oxy, cho dudng tron (C):(x—1)" +(y—4)’ = 4. Phuong trinh tiép tuyén voi
duong tron (C) song song voi duong thing A:4x—3y+2=0 la

A. 4x-3y+18=0. B. 4x-3y+18=0.

C. 4x-3y+18=0;4x-3y-2=0. D. 4x-3y—-18=0;4x-3y+2=0.
Loi giai

Chon C

Puong tron (C):(x—1)"+(y—4)" =4 c6 tm /(1;4) va ban kinh R=2.
Goi d 14 tiép tuyén cua (C )
Vi d//A nén duong thing d:4x—3y+m=0(m¢2).

[4.1-3.4+m|
=2

d latiép tuyén cua (C) < d(];(d)) =R
4 +(—3)2

m=18

m=-—

<3|m—8|=10<:{

Vay c6 2 tiép tuyén can tim : 4x-3y+18=0;4x-3y-2=0.

S6 tiép tuyén chung cua 2 dudong tron (C ) X+ =2x+4y+1=0 va
(C):x*+y* +6x—8y+20=0 la
A. 1. B. 2. C. 4. D. 3.

Loi giai
Chon C

Duong tron (C):x* + )’ —2x+4y+1=0 c6 tm /(1;—2) bankinh R=2.
Puong tron (C'):x2 +)° +6x—8y+20=0 c6 tdm I'(—3;4) ban kinh R'=+/5.

I'=213.

Vay II'> R+ R' nén 2 dudng tron khong co diém chung suy ra 2 dudng tron c6 4 tiép tuyén
chung.

Viét phuong trinh tiép tuyén cua dudng tron (C): (x—2)> +(y+4)* =25, biét tiép tuyén vudng
goc véi dudng thang d :3x—4y+5=0.

A. 4x+3y+29=0. B. 4x+3y+29=0 hodic 4x+3y—21=0.

C. 4x-3y+5=0 hoac 4x-3y—-45=0 D. 4x+3y+5=0 hodc 4x+3y+3=0.
Loi giai

Chon B

Duong tron (C):(x—2)* +(y+4)* =25 c6 thm [(2;—4), ban kinh R=5.




Cau 39:

Cau 40:

Cau 41:

Puong thing A vudng goc voi duong thing d:3x—4y+5=0 co6 phuong trinh dang:
4x+3y+c=0

[4.2+3.(-4)+c| 5
V4 +3

v Vay c¢6 hai tiép tuyén can tim 1a: 4x+3y+29=0

A 1a tiép tuyén cua duong tron (C) khi va chi khi: d(I;A)=R <

©|c_4|:25©[c—4=255<:>{c:29

c—4=-2
va 4x+3y—-21=0.

c=-

Trong mit phing toa do Oxy, cho duong tron (C)cé phuong trinhx* + y* —2x+2y—-3=0. Tur
diem A(1;1)ké duge bao nhiéu tiép tuyén dén dudng tron (C)
A. L. B. 2. C. vo sb. D. 0.

Loi gidi

Chon D

(C) ¢ tam 1(1;—1)ban kinh R=1/> +(~1)* —(=3) =5
Vi 14 =2 < Rnén A nam bén trong (C).Vi vay khong ké duoc tiép tuyén nao t6i duong tron
(€).

Trong mit phang Oxy, cho duong tron (C):(x— 1)2 +(y— 4)2 = 4. Phuong trinh tiép tuyén voi
duong tron (C), biét tiép tuyén d6 song song v6i duong thing A:4x—-3y+2=0 la

A. 4x-3y+18=0va -4x-3y—-2=0. B. 4x-3y+18=0va 4x-3y-2=0.

C. —4x—3y+18=0va 4x-3y—-2=0. D. 4x+3y—18=0va -4x—-3y-2=0.
Loi giai

Chon B

Duong tron (C):(x—1)" +(y—4)" =4 c6 tm 7(1;4) vaban kinh R=2.
Goi d 1a tiép tuyén cua (C).
Vi d//A nén dudng thing d:4x-3y+m=0(m=2).

[4.1-3.4+m|
=2

d 1a tiép tuyén cua (C) < d(I;(d))=R
# +(-3)

m=18

<:>|m—8|=10<:{
m=-=2
Vay c6 2 tiép tuyén can tim : 4x-3y+18=0;4x-3y-2=0.

Trén mit phing toa d0 Oxy, cho diém P(-3;-2) va duong tron (C):(x—3)2 +(y—4)2 =36.
Tir diém P ké céc tiép tuyén PM va PN t6i dudng tron (C), v6i M, N 14 céc tiép diém.
Phuong trinh dudng thing MN la




Cau 42:

A. x+y+1=0. B. x—y-1=0. C.x-y+1=0. D. x+y-1=0.

Chon D

\

Goi [ latam cua duong tron, ta c6 toa do tam 7 (3; 4) .

Theo dé ra ta co tir gidc IMPN 14 hinh vudng, nén duong thing MN nhan [P = (-6;-6) lam
VTPT, dong thoi dudng thang MN di qua trung diém K (0; 1) cua /P . Vay phuong trinh
duong thang MN: 1.(x—0)+1.(y—1) =0 hay x+y-1=0.

Trong mit phing véi hé toa d0 Oxy, cho diém M (=3;1) va duong tron
(C):x*+y*—2x—-6y+6=0.Goi T;, T, 1a céc tiép diém cua cc tiép tuyén ké tr M dén. Tinh
khoang cach tir O dén duong thang 7,7,.

A. S, B. 5. D. 242 .

3
C. —.
— 5
Loi gidi
Chon C
+(C):ix*+y? —2x—6y+6=0 (x—1) +(y—3)" =4 suyracod tim [vaR =2
+ Phuong trinh duong thdng d di qua M (=3;1) ¢6 phuong trinh: 4(x+3)+B(y—1)=0.
d 1a tiép tuyén voi duong tron khi va chi khi d (I;d)=R.

A=0

|A+3B+34-B| )
=234’ +44B=0<
34=-4B

JA42 + B

= ta c6 phuong trinh:
+Véi A=0,chon B =1, phuong trinh tiép tuyén thir nhat 1a (dl):y =1.
Thé y=1vao (C):x’+y’ —2x—6y+6=0, taduoc tiép dim 1a 7, (1;1).

+V6éi 34=-4B,chon A=-4;B =3, phuong trinh tiép tuyén thtt hai la (d,):—4x+3y-15=0




Tiép diém Tz(x;43—x+5je(C) nén (x—1)" + (%Jrs 3} —4<:>x——%:>T(—% %j

+ Phuong trinh duong thang 7,7, :2(x—1)+1(y-1)=0<2x+y-3=0,

+ Khoang céch tir O dén duong thing 7,7, 1a: d(0;7,T,) = =

Dang 4.2 Bai todn twong giao
Ciu 43: Trong mit phiang vé6i hé truc toa dd Oxy, cho hai dudng tron (C,),(C,) c6 phuong trinh lan
luot1a (x+1)2+(y+2)* =9 va (x—2)* +(y—2)* =4. Khang dinh nao dudi day 12 sai?
A. DPuodng tron (C,)c6 tam I, (—~1;—2) va bankinh R, =3.
B. Buong tron ( ) co tam 1, (2'2) vabankinhR, =2.
C. Hai duong tron ( ) ( ) khong ¢ diém chung.
(e

D. Hai dudng tron ) ( ) tiép xtc voi nhau.

Loi giai
Chon D
Ta thay duong tron (C1 ) c6 tam I(—l; —2) va ban kinh R, =3. Duong tron (Cz) c6 tam
1,(2;2) vabankinh R, =2.

Khidé: 5=R +R, =1, =\J2+1)’ +(2+2) =5= (C,) va (C,) tiép xtc nhau.
Cau 44: Tim giao diém 2 duong tron (C,): x>+ y* —4=0 va (C,): X+’ —4x—4y+4=0.
A.(2;2) va (=2-2). B. (0;2) va (0;-2). C.(2;0)va (=2;0). D.(2:;0) va (0;2).
Loi gidi
Chon D
Giao diém 2 duong tron 1a nghiém ciia hé phuong trinh sau:

24P —4=0 1y’ =4 Tty =4
2 x2 y R +y L +y
X +y —4x—-4y+4=0 4x+4y =8

y=0

24y7 =4 A RIS 2y°—4y=0 x=2
o)Xty - (2-y) +y 4<:> yo—ay=0_

2 x=2-y 2

0

Vay giao diém 2 dudng tron la: (2;0)va (0;2).

Ciu 45: Trong mat phiang voi hé truc Oxy, cho hai dudng tron (C):(x—l)2+y2=4 va

(C') : (x—4)2 +(y —3)2 =16 cat nhau tai hai diém phan biét 4 va B. Lap phuong trinh duong
thing AB




A. x+y-2=0. B. x—-y+2.=0 C.x+y+2=0. D. x-y-2=0.
Loi giai

Cach 1: Xét hé

(x—1)2+y2:4 @{ ¥+ =2x-3=0
(x=4) +(y-3) =16 (¥’ +) —8x—6y+9=0

3447 1-7
- y=2-x - y=2-x - X= 2 Y= 2
2 +(2-x) =2x-3=0 (26" —6x+1=0 3-47 1447
X = ,y:
2 2

Suyra A4
Y { 2 2 2

3447 ﬂ} B[ﬂ 1+\/7J
— : : .

(C) co tam O(1;0), (C') c6 tam O'(4;3) = 00’ =(3;3)

Nén dudng thing AB qua A4 vanhan n(1;1) 1 vécto phap tuyén.

Phuong trinh: l(x—3+2\/7J+1£y—¥}:0<:>x+y—2:0. Chon 4.

Cach 2: Gia st hai duong tron (C):(x—l)2 +y° =4 va (C'):(x—4)2 -i-(y—3)2 =16 cét nhau
tai hai diém phan biét 4 va B khi dé toa dd ctia 4 va thoa man h¢ phuong trinh:
2,2 2, 2
(x=1) +y* =4 @{x +3?—2x-3=0 (1)
(x—4) +(y-3)’ =16 (¥ +y’ —8x=6y+9=0 (2)
Lay (1) trir (2) ta dugc: 6x+6y—12=0<> x+ y—2=0 la phuong trinh dudng thang di qua 2
diém 4 va B
Cau 46: Cho duong thing A:3x—4y—19=0 va duong tron (C):(x—1)"+(y-1)" =25. Biét duong

thang A cét (C) tai hai diém phan biét 4 va B, khi d6 d¢ dai doan thing 4B la
A. 6. B. 3. C. 4. D. 8.




Cau 47:

Loi giai

Chon A

Tu A:3x—4y—l9=0:>y:§x—£(l).
47 4

Thé (1) vao (C) ta duge

: (3 23Y
(x—l) +=x——| =25
4

x=1

25 , 8 145
—X ——X+ R .
16 8 16 x="=

H)x, =1=>y, =-4=>A4(;-4).

29 2 29 2
==y == g

2 2
Do dai doan thing AB = \/(2—59—1j +(—§+4] =6.

Trong mit phing toa 40 Ozy cho duong tron (C’ ) co tam [ (l;—l) ban kinh R =5. Biét rang
dudng thing (d):3z—4y+8=0 cét duong tron (C) tai hai diém phan biét A, B. Tinh d¢ dai

doan thang AB.
A. AB=38. B. AB=4. C. AB=3.. D. AB=6.
Loi gii

Amg

Chon A

Goi H 1a trung diém cua doan thang AB . Tacé IH L AB va
3.1-4.(-1)+8| ;

3’ +(-4)

Xét tam gidc vudbng AHI tacod: HA* =IA*—1H* =5 -3 =16 => HA=4= AB=2HA=38

[H=d(I;AB)

2




Cau 48:

Cau 49:

Cau 50:

Trong mit phing voi hé truc toa do Oxpy, cho dudng tron (C ) c6 phuong trinh
(x—2)2 +(y+ 2)2 =4 va dudng thing d :3x+4y+7=0.Goi 4,B la cac giao diém cta duong
thang d véi dudng tron (C ) Tinh d¢ dai day cung 4B .
A. AB=A/3. B. AB=2./5. C. AB=243. D. AB=4.

Loi giai
Chon C
Duong tron (C) c6 tam /(2;-2) bankinh R=2.

+4.(-2)+ 7|
32+ 42

d(1,d)= 22 —1<R=2nén d cét (C) tai hai diém phan biét.

Goi 4, B 1a cac giao diém cua dudng thing d véi dudng tron (C )

AB=2\|R*~d*(1,d) =23

Trong mat phéng véi hé toa do Oxy, cho diém A(3;1), dudong tron

(C):x*+y* —2x—4y+3=0. Viét phuong trinh tong quat ciia dudng thang d di qua A va cét

duong tron (C) tai hai diém B, C sao cho BC = 22

A.d:x+2y-5=0. B.d:x-2y-5=0. C.d:x+2y+5=0. D.d:x-2y+5=0.
Loi giai

Chon A

Puong tron (C)cc') tam 1(1;2) vabankinh R=+1> +2> -3 =42.

Theo gia thiét duong thang d di qua A va cat dudng tron (C ) tai hai diém B, C sao cho
BC=2V2.

Vi BC =2+/2 =2R nén BC la duong kinh ctia duong tron (C )suy ra duong thang d di qua
tam /(1;2)

Ta chon: u, = I4 =(2;-1) = n, =(12).

Vay duong thing d di qua 4 (3; 1) va co VTPT a = (1; 2) nén phuong trinh tong quat cia
dudng thang d 1a: 1(x-3)+2(y-1)=0 & x+2y-5=0.

Trong mit phang véi hé truc toa do Oxy, cho hai duong tron (Cl),(Cz) c¢6 phuong trinh 1an
lwot 1a (x+1)* +(y+2)* =9 va (x—2)* +(y—2)* =4. Viét phuong trinh duong thing d’ di
qua gbc toa do va tao voi duong thang ndi tAm cua hai dudng tron mot goc bang 45°.
A.d":x-T7y=0hoac d":7x+y=0. B.d :x+7y=0hodc d':7x+y=0.
C.d :x+7y=0hoac d':7x—y=0. D.d":x-7y=0hodc d":7x—y=0.

Loi giai




Chon A

Toa do tam I, cua duong tron (C,)la: 1, (-1;-2).

Toa do tam 1, cia dudng tron (C,)1a: 1,(2;2).

Ta co: E(3; 4).Goi d,d' lan luot 1a duong thang ndi tAm cua hai duong tron da cho va
dudng thang can 1ap. Chon mot vecto phap tuyén cua duong thing d 1a: E(4; -3). Goi

n, (a;b), @’ +b* #01a mot vecto phap tuyén ciia duong thangd' .

2 |4a —3b| 2

2 Fia e 2

Theo dé cos(d,d") =g = ‘cos(nd,nd')

a=Tb#0
< Ta> —48ab-7b* =0 < 1 .
a:—7b¢0

Vi a:—%bio,chon b=-7= a=1. Phuong trinh dudng thang d':x—7y=0.

Vé6i a=7b#0, chon b=1=>a=7.Phuong trinh dudng thing d': 7x+ y=0.

Cau 51: Trong mit phang toa @6 Oxy cho diém I(l; 2) va duong thing (d) :2x+y—5=0. Biét ring co
hai diém M,, M, thudc (d) sao cho IM, = IM, =~/10. Tong cac hoanh do cia M, va M, la
7 14

A. - B C.2. D. 5.
5 5
Loi gidi
Chon B
{%‘ 2=)le :\/E:le,M2 e(C):(x=1) +(y—2) =10.

Mat khac, M,, M, thudc (d):2x+y—5=0 nén ta c6 toa do M,, M, la nghiém cua hé

{(x1)2+(y2)2—10 (1)

2x+y-5=0 (2)
x=0
(2) < y=-2x+5, thay vao (1) taco 5x* —14x=0< L la
5

Goi x,, x, lan luot 1a hoanh do cia M,va M, = x, +x, =0+%=%.




Cau 52: Trong hé toa d§ Oxy, cho duong tron (C) c6 phuong trinh: x* + y* —4x+2y—15=0.7 1a tm
(C), duong thang d di qua M (1;-3) cat (C)tai 4,B. Biét tam giac IAB c6 dién tich la 8.

Phuong trinh dudng thing d 1a: x+by+c¢=0. Tinh b+c¢

A. 8. B. 2. C. 6. D. 1.
Loi giai

Chon B

(C) co tam 1(2;-1), ban kinh R =24/5.

bit h=d(I,4AB). Taco: S, =%h.AB =8 = h.AB =16.

2
Mit khac: R’ =hz+AjL9 =20
h=4 |h=2
Suy ra: ;
AB=4 | AB =8

Vi d diqua M (1;-3)nén 1-3b+c=0=3b-c=1=c=3b-1
2-b+c |2-b+3b-1] [1+2p]

Voi h=4= = =bed
J1+5 J1+5 J1+5
. 2-b+c| [2-b+3b-1] [1+2| 3 5
Véi h=2= = = =>b=—=c=—=b+c=2.
1+ 148 1+ 4 4

Cau 53: Trong mit phing Oxy cho tam giac ABC c6 dinhA(S;S) , truc tam H(—1;13), dudng tron

ngoai tiép tam gidc c6 phuong trinh x* +y* =50. Biét toa do dinh C(a;b), v6i a<0. Tong

a+b bang

A. 8. B. 8. C.6. D. 6.
Loi gidi

Chon D



N

E

Goi K 1a chan duong cao ha tir A cta tam giac ABC, goi E 1a diém ddi xtung véi H qua K
suy ra E thudc duong tron ngoai tiép tam gidc ABC .

Ta cb AH = (-6;8), chon Uy, = (3;—4).

. . | x=5+3¢
Phuong trinh duong thing AH qua A4 & dang tham so { 54
y=o=
K € AH suy ra toa do diém K c6 dang K(S +3t;5 —4t)
H va E dbi xtmg nhau qua K suy ra toa do E theo ¢ 1a E(11+ 6t;—3 —8t)

Ee(C) = (11+61) +(-3-81)" =50

= 52 +9t+ 4 =0
r=-—1
< 4
f=—
5

[ Vé6i t=-1, E(5;5)

DVéit:_—4,E 2,1—7 , K E,ﬂ
5 55 5°5

Phuong trinh duong thing BC co u,. =n,, = (4;3)vaqua diém K c6 phuong trinh tham s6
x= el 13 41
=CeBC= C(?+4l,?+3t)

41
=—+3t
Y7



2 2
Ce(C) = (%§+4q +(%}+3q =50
o 25t* + 70t + 24 =0

t= —%: C(1,7)=(KTM)

(=== C(-T)

Vay C(a;0)=C(-T;1)=>a+b=—6.

Cau 54: Trong mat phéng Oxy , cho AABC noi tiép duong tron tam [ (2; 2) , diém D 1a chan duong
phan giac ngoai cua goéc BAC . Puong thing 4D cit dudng tron ngoai tiép A ABC tai diém
thr hai 1a M. Biét diém J (—2; 2) 1a tam duong tron ngoai tiép A ACD va phuong trinh duong
thang CM 1a: x+ y—2=0. Tim tong hoanh d6 cta cac dinh 4, B, C cta tam giac ABC.

A2 B. 2. c.2. p. %

- 5 5 5 5
Loi giai

Chon A

Ta co:

BCM =BAM (1)

BAM = MAT = DAC (2)

CDA=ACM , do d6 MC 1a tiép tuyén cua duong tron ngoai tiép tam gidc ACD c6 tim J nén
JC L MC . Hay C 1a hinh chiéu ctia J 1én duong thang CM .

Puong thing qua J va vudng goc voi CM ¢ phuong trinh:

(x+2)-(y-2)=0=x-y+4=0

= C(-1;3).

A 12 . | xty=2 x=-1
Toa dd diém C 1a nghiém cuia hé: &

x—-y=-4 y=3




Cau 55:

AC 13 duong thing qua C va vudng goc voi ﬁ(—4; 0) nén c6 phuong trinh: x+1=0.

Do d6 toa do diém 4 c6 dang A(-1; a). Tacé I4* = IC” <::>9+(a—2)2 :9+1<:{a
a=

Vi A#C nén A(-11).
Toa do diém M co dang M(m; 2—m). Ta co

m=-1

IM2=IC2<:>(m—2)2+m2=10<:>m2—2m—3=0<:>{ ;
m=

Vi M #C nén M(3;-1).

BC 14 duong thing qua C va vudng goc véi M (—1; 3) nén c6 phuong trinh:
—(x+1)+3(y-3)=0=x-3y+10=0.

Toa d6 diém B c6 dang B(3b—10; b). Ta cd

b=3
B*=IC* & (3p-12) +(h-2)" =10 = L 23
5
Vi B #C nén B(Q,éj
575

Vay téng hoanh d¢ cua cac dinh 4, B, C la —1—1+% = %
Trong mit phang toa do Oxpy, cho hai duong thang (A) x+3y+8=0;
(A"):3x—4y+10=0 va diém A(—2;1). Duong tron c6 tdm (a;b) thudc duong thang (A)
.di qua 4 va tiép xiic voi dudng thang (A’). Tinh a+5.
A. —4. B. 4. C.2. D. 2.

Loi giai

Chon D

Vile(A)nén a+3b+8=0«< a=—8—3b.

Vi dudmg tron di qua A4 va tiép xtic voi duong thang (A’) nén: )

d(I;A") =14 <:>w=\/(—2—a)2+(1—b)2 (1). \
Thay a =—8—3b vao (1) ta co: N A
3(—8—3b)—4b+10

B 5) hl |:\/(—2+8+3b)2+(1—b)2 "

& |14 —13b| = 5100* +34b + 37




& (—14—13b)" =25(105" +34b+37)
& 81b* +486b+729=0 < b= —3.

Véib=-3<a=1.
at+b=-2.
Céu 56: Trong mat phing véi hé toa do Oxy, cho duong thang d :3x— 4y—-1=0va diém I(l; - 2) . Goi

(C ) 1a dudng tron c6 tim / va cat dudng thang d tai hai diém 4 va B sao cho tam giac I4B ¢

dién tich bang 4. Phuong trinh dudng tron (C ) 1a
A. ()C—l)2 +(y-l—2)2 =8.B. (x—l)2 +(y+2)2 =20,

C. (x=1) +(y+2) =5.D. (x=1)"+(y+2) =16.
Loi gidi

Chon A

Ta co:
IH:d(I;d):2.

Sy =~ IHAB= AB =D 24 _ 4 4o
2 IH 2

— R=IA=AH? +IH* =22 +2 =22 .
=(C):(x—1)" +(y+2) =8.

DANG 5. CAU HOI MIN-MAX
Cau 57: Cho duong tron (C):x2 +y* —2x—4y—-4=0 va diém M(2;1). Day cung cua (C) di qua

diém M c6 do dai ngan nhat 1a
A. 6. B. V7. C. 3/7. D. 247.

Loi giai

Chon D



Cau 58:

Taco (C):x’+y* —2x—4y—-4=0<(C):(x-1)" +(y-2)" =9nén cé tam /(1;2),R =3
Vi IM =2 <3=R.

Goi d 1a duong thing di qua M cét dudng tron (C ) tai cac diém 4, B. Goi J 1a trung diém
cua AB . Taco:

Tacé: AB=2A4J =2NR —1J* > 2R —IM?* =2J9-2 =27 .

Trong mat phéng toa do Oxy, cho hai diém A(0;-3), B(4;1) va diém M thay ddi thude duong
tron (C): x* +(y—1)> =4. Goi P, la gia tri nho nhét ctia biéu thirc P = MA+2MB . Khi d6 ta

c6 P thudc khoang nao dudi day?

A. (7,7;8,1).. B. (7,3;7,7).. C. (8,3;8,5).. D. (8,1;8,3).
Loi giai:

Chon: D.

-

A

DPuong tron (C): x° +(y—1)> =4¢6 tdm 1(0;1) ban kinh R =2.
IA =1B=4> Rnén A, Bniam ngoai duong tron.

Goi N la giao diém ctia IA va dudng tron(C)




Trén doan IN 1dy diém P sao cho IP = %IN = [P = %H — P trung vé6i gdc toa do.

Ta co AIAM ~ AIMP = M—A ﬂ IN_ =2=>MA=2MP.
MpP IP [P

Do d6 P=MA+2MB =2MP+2MB>2PB= P, =2PB=217= P, <(8,18,3).
Chon. D.

Cau 59: Trong mit phang véi hé toa dd Oxy, cho duong tron (C):x*+y’—2x—4y+3=0. Tim toa do

diém M (xo; yo) nam trén dudng tron (C) sao cho T = x,+y, dat gia tri 16n nhit.
A. M(2;3). B. M(0;1). C. M(2:1). D. M(0;3).

Loi gidi

Chon A

(C):x*+y* —2x-4y+3=0, (C) cotam I(1;2), R=12.

Suyra (C):(x~1) +(y-2) ~2=0.

Co T =x,+y, =(x,—1)+(y,—2)+3.

Ap dung bét déng thic B. C. S cho 2 b s6 (1:1),((x, ~1):(v, —2))-
(x,=1)+ (3, -2)| < \/ (x,=1) +(>, - )2} =2, do (x,~1) +(y,-2) =2.

= 22 (x, ~1)+(y, —2) <22 1<(x, ~1)+(y, ~2)+3<5=1<T<5.

(xo —1):(y0 _2)

(xo—1) +(3,-2) =2

Dau dang thirc xay ra khi {

x,~l=-1 "|x,=0,y,=1T=1"

x —1=1 x, =2,y.=3,T=5
:(xo—l)zzlz{ 0 :{ 0 Yo



Vay maxT =35 khi x, =2,y, =3.

Céu 60: Trong mit phang Oxy, cho diém M nim trén dudng tron (C) X+ +8x—6y+16=0. Tinh

d6 dai nhé nhét caa OM ?
A. 3. B. 1. C.5s. D. 2.
Loi giai 1

Chon D
Puong tron (C) c6 tam I(—4;3), ban kinh R =3.

x =—4¢

Tacé OI =(-4;3) suy ra phuong trinh duong thing Of 1a { 3
y =

Olm(C)z{M} Toa @0 (x;y) cua M langhiém hé

=8 22

X412 +8x—6y+16=0  [252 =50t +16=0 3 3
32 -8
x=—4t Sex=—4 = szv xz?
y=3t y =3t B 6
s P7s

Suy ra M, (—%;2—54],M2 (—%,gj

2 2 2 2
T o6 OM, - J(_g} @j s, - (_ﬁj {g) oM —OM,-2.

Cach 2

Puong tron (C) c6 tam I(—4;3), ban kinh R=~+4"+3-16=3.
Phuong trinh dudng thing OI di qua O(O;O) cé vtpt 71(3;4) la:
3x+4y=0.

Toadd M =01 ﬁ(C) la nghiém cua hé:

32 8

3x+4y=0 YRS TS
= \

X'+’ +8x—6y+16=0 24 6

ST G

2 2 2 2
Ta co OMIZ\/(%] +(%j =8,OM2: (ﬁj +(gj :2Vﬁy OMmm:Z.




Cau 61:

Cau 62:

Goi / 1 tm cua duong tron (C): (x—l)2 +(y —l)2 = 4. S6 cac gia tri nguyén cia m dé duong
thang x+ y—m=0 cat duong tron (C ) tai hai diém phan biét 4, B sao cho tam giac I4AB co

dién tich 16n nhat 1a
A. 1. B. 3. C.2. D. 0.
Loi giai

Chon C

‘ dix+y-m=0

Goi: d:x+y-m=0;tam cua (C) 1a /(1;1), dé d N(C) tai 2 phan biét khi do:
OSd(];d)<2<—>03%<2<—>2—2\/§<m<2+2\/§(*)

Xét AIAB co: S, = %.IA.]B. sin AIB = %.Rz sin AIB < %.RZ

DAu “=" xéy ra khi: sin AIB =1 <> AIB =90° = AB =22

L 2-m| m=0 (TM)
:>d(1,d)—\/§<—>—\/§ =2 m=d (IM)

Diém nim trén dudng tron (C):x* +y” —2x+4y+1=0 c6 khoang cach ngén nhat dén duong
thing d :x—y+3=0 c6 toa dd M (a;b). Khang dinh nao sau day ding?
A. 2a=-b. B.a=-b. C. \2a=b. D.a=b.
Loi giai
Chon C
DBuong tron (C) co tam /(1;—2), bankinh R =2,

Goi A 1a dudng thang qua / va vudng goc véi d. Khi d6, diém M can tim 1a mot trong hai

giao diém cua A va (C).

Ta c6 phuong trinh A:x+y+1=0.




Cau 63:

Cau 64:

x+y+1=0 y=-x-1
Xeéthg: ¢ 7 = ) )
X +y =2x+4y+1=0 x—l) +(y+2) =4
I x=1+2
y=-x-1 y=—x-1 y=—2—\/§
= = =
2x=1y=4 " |x=1+2 | [x=1-42
i y:—2+x/§

V6i B(1442;-2-2)= d(B,d)=2+3\2
V6i C(1-v2;-2442) = d(C,d)=-2+3V2 <d(B,d)
Suy ra M(l—ﬁ;—2+ﬁ):a=1—ﬁ;b=—2+ﬁ=ﬁ(1—ﬁ)=ﬁa.

Cho tam giac ABC c6 trung diém cua BC 1a M (3; 2) , trong tAm va tdm dudng tron ngoai tiép

tam gi4c lan luot Ia G(%;%),I(l; ~2). Tim toa do dinh C, biét C 6 hoanh dd 16n hon 2.

A. C(9;1). B. C(S;l). C. C(4;2). D. C(3;—2).
Loi giai
Chon B

Vi GA=-2GM nén A 1a anh cua diém M qua phép vi
tu tim G, ti s6 —2, suy ra A(—4;—2). c

Puong tron ngoai tiép ABC c¢6 tdm I, ban kinh
R=14=5 c6 phuong trinh (x—3)2 +(y—2)2 =25.

A

Tacod IM = (2:4).

Puong thing BC di qua M va nhén vecto /M lam

vecto phap tuyén, phuong trinh BC  la:

1(x—3)+2(y—2) =0 x+2y-7=0.

Piém C la giao diém cta dudng thang BC va duong tron ( [; R) nén toa d6 diém C 1a nghiém

2 2
_ 7Y = =1,y=3
cua hé phuong trinh: (x 3) +(y 2) 25 = {x Y
x+2y-7=0 x=5y=
Déi chiéu diéu kién dé bai ta c6 toa do diém C(5;1).

Trong mit phing toa 4 Oxy, cho dudng tron (C):x” +y* —2x—4y-25=0 va diém M (2;1)
. Day cung cua (C ) di qua M c6 d6 dai ngén nhat la:
A 247, B. 1632 C. 8V2. D. 44/7.




Loi giai

Chgon D

+) (C) c6 tam 1(1;2), ban kinh R =+/30
+) ABla day cung cua (C ) di qua M
+) Taco ABmin < AB 1L IM .

That vay, gia st CD la day cung qua M va khong vudng goc voi IM .

Goi K 1a hinh chiéu cua I 1én CD ta c6:

AB = 2AM =142 — IM? = 2R? — M

CD =2KD = 2\ ID? — KD* = 24 R? — IK?
Do tam gidc IMK vuong tai K nén IM > IK .

Vay CD > AB.

B Taco: IM =(2-1) +(1-2)" =2
MA=R?—IM?* =30-2 =28 =27
— AB=2MA =47 .

Ciu 65: Cho céc sb thuc a,b,c,d thay ddi, luon thoa man (a—1)" +(h—=2) =1 va 4c-3d-23=0.

Gia trj nho nhat cua biéu thie P=(a—c) +(b—d)’ la:

A. P, =28. B. P =3. C.P, =4. D. P, =16.
Loi giai

Chon D
Xét tap hop diém M (a;b) théoa man (a - 1)2 + (b - 2)2 =1 thi M thudc duong tron tim
I1(1;2);R=1
Xét diém N(c;d)thoa min 4c —3d—23 =0 thi N thudc dudng thing c6 phuong trinh
4x-3y-23=0.

|4-6-23

Ta thdy d(I;d)= — =5> R =1.Do d6 dudng thang khong cit duong tron.




Cau 66:

Puong thing qua I vudng goc voi d tai L va cit duongtrond 7, K (K & gita T va L)
V& tiép tuyén tai K cit MN tai P.

C6 KL<PN<MN,ma KL=d(I,d)-R

Do d6 MN ngan nhat khi MN =KL

Tirday tasuyra P=(a—c) +(b—d) = MN? bé nhét khi va chi khi
MN =d(I;d)-R=5-1=4.Vay gia tri nhé nhit P_ =16

min

Trong mit phang toa do Oxy, cho duong tron (C): (x—l)2 +(y- 2)2 =4 va cac duong thang
d :mx+y-m—-1=0, d,:x—my+m—1=0. Tim cic gia tri cua tham s6 m dé mdi duong
thang d,,d, cat (C)tai 2 diém phan biét sao cho 4 diém d¢ 1ap thanh 1 tir gidc c6 dién tich 16n

nhat. Khi d6 tong cta tit ca cac gia tri tham sé m 1a:

A. 0. B. 1. C.3. D. 2.
Loi giai
Chon A
1(1;2)
Taco (C)
R=2

Ta dé& thdy duong thing d, vad, cit nhau tai diém M (1;1) ¢ dinh nam trong duong tron (C )
va d, L d,.Goi A,B lagiao diém cia d, va (C), C,D 1a giao diém cia d, va (C). H,K lan

luot 1a hinh chiéu ctia  trén d, va d,

Khi do




S sep = lABCD 24H.CK = 2\/1{2 ~[a(1,4)] \/RZ [d(1,d,)]

/ f 4m +3 3m2+4 2 2
5 4_ _2\/ )S4m +32+3m +4:7
m +1 m-+1

Do d6 max S ., =7 khi m=+1.Khi d6 tong cac gia tri cia m bang 0.




PHUONG TRINH PUONG TRON CO PAP AN
Vén dé 1. CHO PHUONG TRINH PUONG TRON, TIM TAM & BAN KiNH
Ciu 1. Toa do tAm 7 va ban kinh R cia duong tron (C): (x—1)’ +(y+3)’ =16 la:
A. I(-1;3), R=4. B. I(1;-3), R=4.
C. I1(1;,-3),R=16. D. 1(-13), R=16.
Cau 2. Toa d6 tam 7 va ban kinh R ctia duong tron (C): x* +(y+4) =5 la:
A. I(0;-4), R=A5. B. 1(0;-4), R=5.
C. 1(0;4), R=A5. D. 1(0;4), R=5.
Ciu 3. Toa do tam 7 va ban kinh R ctia dudng tron (C): (x+1) +»* =8 la:
A. I(-10),R=8. B. 1(-1,0), R=64.
C. I(-10), R=22. D. 1(10), R=2V2.
Ciu 4. Toa do tdm 7 va ban kinh R ctia dudng tron (C): x* +y° =9 la:
A. I(0;0), R=9. B. 1(0;0), R =381.
C. I1(11),R=3. D. 1(0;0), R=3.
CAu 5. Duong tron (C):x* +y* —6x+2y+6=0 c6 tdm I va ban kinh R 1an luot 1a:
A. I(3-1),R=4. B. I(-31), R=4.
C. I1(3-1),R=2. D. 1(-3;1), R=2.
CAu 6. Duong tron (C): x>+ y* —4x+6y—12=0 c6 tm I va ban kinh R 1an luot la:
A. I(2-3),R=5. B. 1(-2;3), R=5.
C. I1(-46), R=5. D. 1(-2;3), R=1.
Ciu 7. Toa do tdm 7 va ban kinh R cta duong tron (C):x* +y* —4x+2y—3=0 la:
A. 1(2;-1), R=2V2. B. 1(-2;1), R=22.
C. I1(2;-1),R=38. D. 1(-2;1), R=8.
Céu 8. Toa do tam 7 va ban kinh R ctia duong tron (C):2x° +2y° —8x+4y—1=0 la:

A. I(—2;1),R=@. B. 1(2;—1),12:@.
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C. 1(4-2), R=+21. D. 1(-4;2), R=+19.

Cau 9. Toa do tam 7 va ban kinh R ctia duong tron (C):16x* +16y* +16x—8y—11=0 la:

A. 1(-84), R=91 B. 1(8;-4), R=+91.
C. I(-84), R=469. D. 1[—%;%], R=1.

Ciu 10. Toa 46 tdm 7 va ban kinh R cua duong tron (C):x* +»* -10x—11=0 la:
A. 1(-10;0), R=+111. B. 7(-10;0), R =+/89.
C. 1(-50), R=6. D. 1(5,0), R=6.
Cau 11. Toa d6 tam 7 va ban kinh R cua dudng tron (C):x* +y* -5y=0 la:
A. 1(0;5), R=5. B. 1(0;-5), R=5.
C. I[O;g], R:% D. 1[0;—%], :g.
Ciau 12. Duong tron (€):(x—1) +(y+2)’ =25 c6 dang khai trién 1a:
A. (C):x*+y" —2x+4y+30=0. B. (C):x’+»" +2x—4y—20=0.
C. (O):x"+y"—2x+4y—20=0. D. (C):x*+y*+2x—4y+30=0.
Cau 13. Duong tron (C):x* +y* +12x—14y+4=0 c6 dang tong quat la:
A. (O):(x+6) +(y-7) =9. B. (C):(x+6) +(y—7) =8L
C. (C):(x+6) +(y—7) =89. D. (C):(x+6) +(y—7) =/89.
Ciu 14. Tam cua duong tron (C):x* +»* —10x+1=0 céach truc 0oy mot khoang bang:
A.-5. B.o. C. 10. D.s.
Cau 15. Cho duong tron (C): x* +3* +5x+7y—3=0. Tinh khoang cich tir tim ctia () dén truc Ox.
A. 5. B. 7. C. 35. D. 25.

Vén dé 2. LAP PHUONG TRINH PUONG TRON

Ta thuong gip mot sé dang 14p phuong trinh dudng tron




1. C6 tdm 71 va ban kinh R.
2. C6 tam I va di qua diém M .
3. C6 duong kinh 4B.
4. Co tam I va tiép xuc v6i duong thang 4.
5. bi qua ba diém 4, B C.
6. Co tam 1 thudc duong thang ¢ va
Pi qua hai diém 4, B.
Pi qua 4, tiép xic A.
C6 ban kinh R, tiép xtic A.
Tiép xGc v6i A, va A, .
7. Di qua diém 4 va
Tiép xtic véi A tai M.
Tiép xtic v6i hai dudng thang A, A, .

8. Di qua hai diém 4, B c6 va tiép xtic voi duong thang 4.

Céu 16. Puong tron c6 tim tring véi goc toa do, ban kinh =1 c6 phuong trinh 1a:
A 24 (y+1) =1 B. x> +y°=1.
C. (x-1)+(y-1) =L D. (x+1) +(y+1) =1.
Céu 17. Duong tron ¢6 tdm 1(1;2), ban kinh R =3 c6 phuong trinh la:
A, X +y +2x+4y—4=0. B. ¥ +y" +2x—4y—-4=0.
C. x*+y*—2x+4y—4=0. D. x> +y*—2x—4y—4=0.

Cau 18. Duong tron (C) ¢6 tdm 1(1;,-5) va di qua 0(0;0) c6 phuong trinh la:

A, (x+1) +(y—5)" =26. B. (x+1)" +(y-5)" =+26.
C. (x—1+(y+5) =26. D. (x-1) +(y+5) =+/26.

Ciu 19. Duong tron (C) c6 tam 7(-2;3) va di qua M(2;—3) c6 phuong trinh la:

A, (x+2) +(y-3) =52 B. (x—2) +(y+3) =52.




C. x*+y*+4x—6y—57=0. D. x* +y* +4x—-6y—-39=0.
Cau 20. buong tron duong kinh 4B véi 4(3;-1), B(1,—5) cd phuong trinh la:
A, (x+2) +(y-3) =5. B. (x+1) +(y+2) =17.
C. (x—2)+(y+3) =5 D. (x-2)" +(y+3) =5.
Cau 21. Buong tron duong kinh 4B véi 4(1;1), B(7;5) c6 phuong trinh la:
A. x* +y* -8x—6y+12=0 . B. ¥+’ +8x-6y-12=0 .
C. ¥+y*+8x+6y+12=0 . D. x> +y*-8x-6y-12=0 .
Ciu 22. Pudng tron (C) ¢6 tim 1(2;3) va tiép xtc véi truc Ox c6 phuong trinh 1a:
A, (x—2) +(y-3) =9 B. (x—2) +(y-3) =4
C. (x—2)+(y-3)=3. D. (x+2) +(y+3) =9.
Cau 23. Puong tron (C) c6 tim (2;—3) va tiép xtic v6i truc 0y c6 phuong trinh la:
A, (x+2) +(y-3) =4 B. (x+2) +(y-3) =9.
C. (x—2)+(y+3) =4 D. (x-2) +(y+3) =9.

Ciu 24. Puong tron (C) ¢6 tim I(—2;1) va tiép xtc véi duong thang A:3x-4y+5=0 c6 phuong trinh

la:
A. (x+2) +(y-1f =1. B. (x+2) +(y-1] = .
C. (x=2)+(y+1) =1 D.(x+2) +(y-1) =4.

Ciu 25. Pudng tron (C) cb tim I(—1;2) va tiép xtc voi dudng thang A: x-2y+7=0 c6 phuong trinh

la:
A (x+1) +(r-2 = B. (x+1 +(y-2) = 3.
C. (x+1)2+(y—2)2=%. D.(x+1) +(y-2) =5.

Céu 26. Tim toa d6 tim 7 cua duong tron di qua ba diém 4(0;4), B(2;4), C(4;0).
A. 1(00). B. 1(1;0). C. 1(3;2). D. 1(1;1).

Céu 27. Tim ban kinh R ctia dudng tron di qua ba diém 4(0;4), B(3;4), C(3;0).




A. R=5. B. R=3. C. r=410. D.R:%.
Cau 28. Puong tron (€) di qua ba diém 4(-3;—1), B(~1;3) va C(~2;2) c6 phuong trinh 1a:
A, X’ +y* —4x+2y—20=0. B. x* +y*+2x—y—-20=0.

C. (x+2) +(y—1) =25. D. (x—2) +(y+1)" =20.

CAu 29. Cho tam giic 4BC co 4(-2;4), B(5;5), C(6;—2). Dudng tron ngoai tiép tam gidc 4BC c6

phuong trinh la:
A. ¥ +y"—2x—y+20=0. B. (x72)2+(y*1)2 =20.
C. x> +y" —4x—2y+20=0. D. x* +3* —4x-2y—-20=0.

Cau 30. Cho tam gidc 4BC cO A(1;—2), B(-3;0), €(2;—2). Tam gidc 4BC noi tiép duong tron cé
phuong trinh la:

A, x*+y" +3x+8y+18=0. B. x*+y*—3x-8y—-18=0.
C. x*+»*—3x—8y+18=0. D. x>+’ +3x+8y—18=0.
Cau 31. Puong tron (¢) di qua ba diém 0(0;0), 4(8;0) va B(0;6) c6 phwong trinh la:
A, (x—4) +(y-3) =25 B. (x+4) +(y+3) =25.
C. (x—4)+(y-3) =5 D. (x+4) +(y+3) =5.
Cau 32. Puong tron (¢) di qua ba diém 0(0;0), 4(q;0), B(0;6) c6 phuong trinh la:
A. x*+y"—2ax—by=0. B. x*+y"—ax—by+xy=0.
C. X*+y*—ax—by=0. D. -y —ay+by=0.

Cau 33. Puong tron (€) di qua hai diém 4(1;1), B(5;3) va c¢6 tim I thudc truc hoanh co phuong

trinh la:
A, (x+4) +y* =10 B. (x—4) +y* =10.
C. (x—4) +y* =410 D. (x+4) +y* =10

Cau 34. Duong tron (€) di qua hai diém 4(1;1), B(3;5) va c6 tam I thudc truc tung c6 phwong trinh

la:
A, x*+y'—8y+6=0. B. x* +(y—4) =6.
C. x2+(y+4)2:6. D. x> +y*+4y+6=0.




Cau 35. Puong tron (¢) di qua hai diém 4(-1;2), B(-23) va c6 tam I thudc duong thang
A:3x—y+10=0. Phuong trinh cua dudng tron (C) la:

A, (x+3) +(y-1) =45 B. (x—3) +(y+1) =+5.
C. (x-3)+(y+1) =5 D. (x+3) +(y-1) =5.

Ciu 36. Duong tron (C) c6 tdm 1 thudc duong thang 4:x+3y+8=0, di qua diém A(-2;1) va tiép

xuc v6i dudng thang A:3x —4y+10=0. Phuong trinh ctia dudng tron (c) la:
A, (x-2) +(y+2) =25. B. (x+5) +(y+1) =16.
C. (x+2) +(y+2) =9. D. (x—1) +(y+3)" =25.

Ciu 37. Duong tron (C) c6 tdm I thudc duong thang 4:x+3y—5=0, ban kinh R =22 va tiép xuc

v6i dudng thang A:x—y—1=0. Phuong trinh cta duong tron () la:
A. (x+17 +(y—2) =8 hodc (x5 +y* =8.
B. (x+1)+(y-2) =8 hodc (x+5) +»*=8.
C. (x—17+(y+2)" =8 hodc (x—5) +*=8.
D. (x—1)+(y+2) =8 hodc (x+5) +)*=8.

Cau 38. Duong tron (C) ¢6 tdm I thudc duong thang d:x+2y—2=0, ban kinh R=5 va tiép xtc véi
duong thing A:3x—4y—11=0. Biét tim I c¢6 hoanh d¢ dwong. Phuong trinh ciia dudng tron (©)

la:

A, (x+8) +(y-3)=25.

C. (x—2) +(y+2)" =25 hodc (x+8) +(y—3) =25.
C. (x+2) +(y—2) =25 hodc (x—8) +(y+3) =25.
D. (x-8) +(y+3)=25.

Cau 39. buong tron (€) ¢6 tdm 7 thudc duong théng d:x+5y—12=0 va tiép xuc vo1 hai truc toa do

c6 phuong trinh la:

A, (x-2)+(y-2) =4.

B. (x-3)+(y+3)=9.

C. (x—2)+(y—2) =4 hodc (x—3) +(y+3) =9.

D. (x—2) +(y—2)" =4 hodc (x+3)" +(y-3)" =9.




Cau 40. Puong tron (€) c6 tim I thudc duong thang A:x=5 va tiép xtc véi hai duong thang

d:3x-y+3 =0, d,: x-3y+9=0 cO phuong trinh la:
A. (x-5/ +(y+2) =40 hodc (x—5) +(y—8)’ =10.
B. (x-57+(y+2) =40.

C. (x-5+(»—8) =10.

D. (x—5) +(y—2) =40 hoac (x—5) +(y+8)’ =10.

Cau 41. Puong tron (€) di qua diém 4(1;,—2) va tiép xtic voi duong thing A:x—y+1=0 tai M(1;2).

Phuong trinh cua duong tron (C) la:
A, (x—6) +y"=29. B. (x—5) +y* =20.
C. (x—4)+y' =13 D. (x-3) +)*=8.

Ciu 42. Duong tron (C) di qua diém M (2;1) va tiép xuc voi hai truc toa dd Ox, 0y c¢6 phuong trinh

la:

A. (-1 +(y—17 =1 hodc (x—5) +(y—5)" =25.
B. (x+17+(y+17 =1 hodc (x+5) +(y+5)" =25.
C. (x—5)+(y—5) =25

D. (x-1)+(y-1=1L

Ciu 43. Duong tron (C) di qua diém M (2,-1) va tiép xuc vé6i hai truc toa do ox, 0y c6 phuong trinh

la:

A. (x+1 +(y—17 =1 hodc (x+5) +(y—5) =25.
B. (x—1) +(y+1) =1.

C. (x—5+(y+5) =25.

D. (x-1)+(y+1)7 =1 hodc (x—5) +(y+5) =25.

Cau 44. Duong tron (¢) di qua hai diém 4(1;2), B(3;4) va tiép xtc voi dudng thang A:3x+y—3=0.

Viét phuong trinh dudng tron (C), biét tim cla () c6 toa do 1a nhiing s6 nguyén.
A. x*+y*—3x-7y+12=0. B. x> +3*—6x-4y+5=0.

C. x*+y*—8x-2y—10=0. D. x> +y* —8x-2y+7=0.




Cau 45. Puong tron (¢) di qua hai diém 4(-1;1), B(3;3) va tiép xtc véi dudng thang d:3x-4y+8=0
. Viét phuong trinh dudng tron (C), biét tim ciia (C) c6 hoanh d6 nho hon 5.
A, (x-3) +(y+2) =25. B. (x+3) +(y-2) =5.

C. (x+5"+(y+2) =5 D. (x—5) +(y-2) =25.
Vén dé 3. TIM THAM SO 7 DE LA PHUONG TRINH PUONG TRON

Cau 46. Cho phuong trinh x* +y* —2ax—2by+c=0 (1). Piéu kién dé (1) 1a phuong trinh duong tron
la:

A. @—-p*>c. B.d+b>c. C. >+ <c. D. & - <c.

Cau 47. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh ciia mot duong tron?
A. 4’ +y* —10x—6y—2=0. B. x*+ 5" —2x—8y+20=0.
C. x*+2y*—4x—-8y+1=0. D. x* +y* —4x+6y—-12=0.

Cau 48. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh ciia mot dudng tron?
A. X’ +y"+2x—4y+9= 0. B. x> +y*—6x+4y+13=0.
C. 2x*4+2y" —8x—4y—6=0. D. 5x° +4y’ +x—4y+1=0.

Cau 49. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh ciia mot dudng tron?
A. x> +y —x—y+9=0. B. ¥’ +y*~x=0.
C. x*+y*—2xy—1=0. D. x> —y*—2x+3y—-1=0.

Cau 50. Trong cac phuong trinh sau, phuong trinh nao khong phai la phuong trinh cua duong
tron?

A. x2_|_y2_x+y+4:0. B. x2—|—y2—100y+1:0
C.x+y*-2=0. D. x*+y'—y=0.

Cau 51. Cho phuong trinh x*+y* +2mx+2(m-1)y+2m* =0 (1). Tim diéu kién ctia » dé (1) 1a
phuong trinh dudng tron.

A. m<%. B. m<—. C. m>1. D. m=1.

CAu 52. Cho phuong trinh +*+y* —2mx—4(m—2)y+6-m=0 (1). Tim diéu kién cia = & (1) la
phuong trinh duong tron.

A. meR. B. me(—o00;1)U(2;+00).




C. me(—oo1]U2;+00). D. me

_oo;l]u(z;+oo).
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Cau 53. Cho phuong trinh x*+3* —2x+2my+10=0 (1). C6 bao nhiéu gid tri » nguyén duong
khong vuot qua 10 dé (1) 1a phuong trinh cta duong tron?
A. Khongco. B. 6. C.7. D. 8.

CAu 54. Cho phuong trinh »* +3” ~8x+10y+m=0 (1). Tim diéu kién ctia » d& (1) 1a phuong trinh

duong tron c¢6 ban kinh bang 7.
A. m=4. B. m=8. C. m=-8. D.m=-4.

CAu 55. Cho phuong trinh x>+ —2(m+1)x+4y—-1=0 (1). V&i gia tri ndo cia m dé (1) la phuong

trinh duong tron c6 ban kinh nhé nhat?
A. m=2. B. m=-1. C.m=1 D. m=-2.
Vén dé 4. PHUONG TRINH TIEP TUYEN CUA PUONG TRON
Cau 56. Phuong trinh tiép tuyén 4 ctia dudng tron (C): (x+2) +(y+2)° =25 tai diém »(2;1) la:
A.d:—y+1=0. B. d:4x+3y+14=0.
C. d:3x—4y—-2=0. D. d:4x+3y—11=0.

Cau 57. Cho dudng tron (C): (x—1) +(y+2)" =8. Viét phuong trinh tiép tuyén 4 clia (C) tai diém

A(3,-4).
A.d:x+y+1=0. B. d:x—2y-11=0.
C.d:x—y-7=0. D.d:x—y+7=0.

Cau 58. Phuong trinh tiép tuyén ¢ ctia duong tron (C):x* +3* —3x—y =0 tai diém N(1;—1) la:
A.d:x+3y-2=0. B.d:x-3y+4=0.
C.d:x-3y—-4=0. D. d:x+3y+2=0.

Céu 59. Viét phuong trinh tiép tuyén cua duong tron (C):(x=3) +(y+1) =5, biét tiép tuyén song

song v6i duong thang 4:2x+y+7=0.
A. 2x+y+1=0 hodc 2x+y—-1=0. B. 2x+y=0 hodc 2x+y—-10=0.
C. 2x+y+10=0 hodc 2x+y—-10=0. D. 2x+y=0 hoac 2x+y+10=0.

Céu 60. Viét phuong trinh tiép tuyén ctua duong tron (C):x*+y* +4x+4y—17=0, biét tiép tuyén
song song voi dudng thang d:3x—4y-2018=0.




A. 3x-4y+23=0 hoac 3x-4y-27=0.
B. 3x-4y+23=0 hodc 3x-4y+27=0.
C. 3x-4y—23=0 hoac 3x-4y+27=0.
D. 3x—4y—23=0 hoac 3x-4y-27=0.

Cau 61. Viét phuong trinh tiép tuyén cta duong tron (C):(x—2) +(y—1)Y =25, biét tiép tuyén song
song v6i duong thang 4:4x+3y+14=0.

A. 4x+3y+14=0 hodc 4x+3y—36=0.
B. 4x+3y+14=0.
C. 4x+3y-36=0.
D. 4x+3y—14=0 hodc 4x+3y—36=0.

Ciu 62. Viét phuong trinh tiép tuyén cta dudng tron (C):(x—2) +(y+4) =25, biét tiép tuyén vudng
goc v6i duong thang d:3x 4y +5=0.

A. 4x-3y+5=0 hodc 4x-3y-45=0. B. 4x+3y+5=0 hoac 4x+3y+3=0.
C. 4x+3y+29=0. D. 4x+3y+29=0 hoac 4x+3y-21=0.

Cau 63. Viét phuong trinh tiép tuyén cua duong tron (C):x>+y> +4x—2y—8=0, biét tiép tuyén
vudng goc voi dudng thang d:2x— 3y +2018=0.

A. 3x+2y—17=0 hodc 3x+2y—-9=0. B. 3x+2y+17=0 hoac 3x+2y+9=0.
C. 3x+2y+17=0 hoac 3x+2y—9=0. D. 3x+2y—17=0 hoac 3x+2y+9=0.

Cau 64. Viét phuong trinh tiép tuyén ctia dudng tron (C):x*+y* —4x—4y+4=0, biét tiép tuyén
vuong goc vai truc hoanh.

A. x=0. B. y=0 hoac y—4=o0.
C. x=0 hoac x—4=0 D. y=o0.

Céu 65. Viét phuong trinh tiép tuyén A cia dudng tron (C):(x=1) +(y+2) =8, biét tiép tuyén di
qua diém 4(5;-2).

A. A:x—5=0. B. A:x+y-3=0 hodc A:x—y-7=0.
C. A:x—5=0 hodc A:x+y—-3=0. D. A:y+2=0 hoac A:x—y-7=0.

Cau 66. Viét phuong trinh tiép tuyén A ctia dudng tron (C): x> +y* —4x—4y+4 =0, biét tiép tuyén di
qua diém B(4;6).

A. A:x—4=0 hodc A:3x+4y—36=0.
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B. A:x—4=0 hodc A:y—6=0.
C. A:y—6=0hoac A:3x+4y—36=0.
D. A:x—4=0 hodc A:3x—4y+12=0.

CAu 67. Cho dudng tron (€):(x+1) +(y—1)’ =25 va diém M (9;—4). Goi A la tiép tuyén clia (C), biét
A di qua M va khong song song véi cac truc toa do. Khi d6 khoang cach tir diém P(6;5) dén A
bang:

A. 3. B. 3. C. 4. D. 5.

Cau 68. CO bao nhiéu duong thiang di qua gbc toa d6 o va tiép xuc voi duong tron
(C):x*+y* —2x+4y—-11=07?

A. 0. B. 2. C.1. D. 3.

CAu 69. Cho duong tron (C):(x—3) +(y+3)’ =1. Qua diém M (4;-3) c6 thé ké dugc bao nhidu dudng

thang tiép xtic voi dudng tron (€)?
A. 0. B. 1. C.2. D. Vo sb.

Cau 70. C6 bao nhiéu dudng thing di qua diém N(-2;0) tiép xGc voi dudng tron

(C):(x—2)" +(y+3) =47
A. 0. B. 1. C.2. D. V5 s0.
DAP AN VA LOI GIAI
Cau 1. (€):(x—1) +(y+3)" =16——1(1;-3), R=+/16 =4.Chon B.
Cau 2. (C):»* +(y+4) =5——1(0;—4),R=+/5. Chon A.
Cau 3. (C):(x+1) +»* =8——1(—1;0),R =8 =22. Chon C.
Ciu 4. (C):x* +)* =9——1(0;0), R=+/9 =3.Chon D.

Cau 5. Taco (C):x2+y2—6x—|—2y—|—6:0—>a:_—6:3,b:%:—l,c:6

—1(3;—1),R=43* +(~1)’ =6 =2. Chon C.

Cau 6. (C):x* +)* —4x+6y—12=0—a=2,b=-3,c=—12—[(2-3),

R=+44+9+12 =5.Chon A.

Cau7. (C):x’+)" —4x+2y-3=0—a=2,b=—lc=-3

—1(2-1),R=+4+1+3=272. Chon A.
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A r 1
Cau 8. Taco: (C):2x* +2)* —8x+4y—1=0&x"+)° —4x+2y—5:0

a=2,b=-1
—>{ 1 —>I(2;—1),R:4f4+1+%zg.ChQnB.
c=——

2
A s s ;o 111
Cau 9. (0):16x* +16y" +16x—8y—11=0=x" +y +x—5y—E:0

{3
— Chon D.
i 1 1
4 16 16

Céu 10. (C):x* +»* ~10x—11=0— 1 (~5;0),R=~/25+0+11 =6.Chon C.

Cau 11. (¢): ¥ +y2—5y:0—>1[0;§],R: 0+20=> Chon C.

Cau 12. (C):(x 1) +(y+2) =25 x> +y* —2x+4y—-20=0.Chon C.

1(—6;7)

R=+36+49-4=9

Cau 13. (C):x2+y2+12x—14y+4:0—>[
—(C):(x+6)" +(y—7)" =81. Chon B.

Cau 14. (C):x’ + " —10x+1=0—I(50) — d[I;0v]=5.Chon D.

Ciu 15. (c):x2+y2+5x+7y—3:0—>1[—%;—%]—>d[1;0x}:‘—%‘:%. Chon C.

Cau 16. (0): —(C):x*+y* =1. Chon B.

Cau 17. (c): —(C):(x=1) +(y—2) =9 x* +)* ~2x—4y—4=0. Chon A.
1(1;=5)

Cau 18. (O): —
(©) R=0I =26

(C):(x=1)" +(»+5)" =26. Chon C.

1(-2;3)

R=1IM =J(2+2) +(-3-3) =52

Cau 19. (0): —(C):(x+2) +(y-3) =52.

(C):x*+y*+4x—6y—39=0. Chon D.

i 1(2;-3)
Cau20. (c); R:%AB:%\/(I—3)2+(—5+1)2 =5

—(C):(x=2) +(y+3) =5.

Chon D.
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x> +3? —8x—6y+12=0. Ch()n A.

Ciu 22. (C): ;(igz)[l;Ox]:3—>(C):(x—2)2+(y—3)2 —9. Chon A.

Ciu 23. (C): ; <i;;§l);0y] _—(C):(x=2)" +(+3] =4. Chen C.
1(=2:1)

Ciu 24. (0): R—d[1,0] = |- 69—:1:;5| —(C):(x+2) +(y—1) =1.
I1(-12)

Cau 25. (¢): Red[1:A]= |- 1/;%—” \/2§H(C):(x+1)2+(y2)

Ciu 26. 4,B,C€(C):x" + )" +2ax+2by+c=0

16+8b+c=0 a=-1
©120+4a+8+c=0«1{b=-1—1(1;1). Chon D.
164+8a+c=0 c=-8
. BA=(-30 3-0) +(0—4)
Cau 27. { ( )HBAJ_BCHR—AC ‘/ i Gl I
BC =(0;—4) 2 2

10—6a—2b+c=0

e - 5o —(C):(x—4) +(y=3) =13

Chon A.

’ :%. Chon B.

==. Chon D.
2

a=-2

Ciu 28. 4,B,Ce(C):x"+ )" +2ax+2by+c=0<110-2a+6b+c=0<1b=1

8—4a+4b+c=0

Vay (C):x* +y* —4x+2y—-20=0. Chon A.

20—4a+8b+c=0

c=-20

a=-2

Cau 29. 4,B,Ce(C):x* + )" +2ax+2by+c=0<150+10a+10b+c =0 {b=—1

40+12a—4b+c=0 c=-20
Vay (C):x* +y* —4x—2y-20=0. Chon D.
Cau 30. 4,8,C€(C):x* +y* +2ax+2by+c=0
542a—4b+c=0 3
19 6atc=0 19772 Vay (C):x* +y* —3x—8y—18=0.

8+4a—4b+c=0 |b=—-4c=-18

Chon B.
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1(43)
Cau 31. 0(0;0),A(8;0),B(0;6)H0AJ_OBH{R 48— (C):(x—4) +(y—3)" =25.

Chon A.

Céu 32. Ta c6 0(0;0), 4(a;0), B(0;6) — 04 L OB

ab
I[E’E] al’ b a’ +b
— — C):[x—] +[ —] =
Rfﬁf la? + b 2 2 4
2 2

_>(C):x2—|—y2—ax—by:0. Ch()n C.
Cau 33. /(a;0)» IA=IB=R< R =(a—1) +1> =(a—5) +3* —11(40) .
1
Viy dudng tron can tim 1a: (x—4)" +»*=10. Chon B.
Cau34. 1(0;a)»IA=IB=R= R =1 +(a—1) =3 +(a—5) —11(0;4) .

Vay dudng tron can tim 1a: x? +(y—4) =10. Chon B.
Ciu 3S. Tacod: 7€ A—I(a;3a+10)—IA=IB=R
a=-3
SR =(a+1) +(3a+8) =(a+2) +(3a+7) & {1(-31).
R =5
Vay duodng tron can tim 1a: (x+3) +(y—1)’ =5. Chon D.

Cau 36. Dé thiy 4e A nén tam / ciia dudng tron nam trén duong thang qua A vudng goc véi A 1a

A/:4x+3y+50H1A’ﬂd:{

4x+3y+5=0 [x=1 1(1;-3)
= — .
x+3y+8=0 y=-3 R=1I4=5

Vay phuong trinh duong tron la: (x—1)" +(y+3)" =25. Chon D.

Cau 37. Ied—>1(5—3a;a)—>d[l;A}:R:2x/§<:>M:2«/§<:>a '
NG a=2

1(5;0)
1(-1;2)

Vay cac phuong trinh duong tron 1a: (x—5)" +* =8 hodc (x+1) +(y—2)" =8.

Chon A.
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Cau 38. 16d—>1(2—2a;a>,a<1—>d[1;A}:R:5.

<:)|10a+5|:5® a=2(l)

(83
< Ly &3

Vay phuong trinh duong tron 1a: (x—8)° +(y+3)° =25. Chon D.

Cau 39. 1e€d —1(12—-5a;a) — R = d|[I;0x|= d[I;0y]=[12—5d| = |q|
a=3—1(-33),R=3
— .

a=2—1(22),R=2

Vay phuong trinh cac duong tron 1a :

(x—2) +(y-2)" =4 hodc (x+3) +(y-3)"=9. Chon D.

A . 18—a| [14—34]
Caud0.Taco: IeA—I(5a)—R=d[I;d|=d[I.d :| =
- ( a) [ 1] [ 2} N Jo

a=8—1(58),R=+/10
a=-2—1(5-2),R=2310

Vay phuong trinh cac dudng tron:
(x—5) +(y—8)" =10 hodc (x—5)" +(y+2)" =40. Chon A.

Céu 41. Tam / cia dudng tron ndm trén dudng thiang qua M vudng goc véi A 1a

A:x+y-3=0—1(a;3—a).

Tacd: R® =142 =iM>=(a—1) +(a—5) =(a—1)" +(a—1)
—>(C):(x—3)2—|—y2 =8. Chon D.

Cau 42. Vi M(2;1) thudc goc phan tu (I) nén 4(a:a), a > 0.
Khi d6: R=a>=1M* =(a—2)" +(a—1)

a=1-1(L1),R=1—(C):(x=1) +(y-1)" =1

. Chon A.
a=5-1(55),R=5—(C):(x=5) +(y—5) =25

=

Cau 43. Vi M(2—1) thudc goc phan tu (IV) nén 4(a;—a), a> 0.
Khi d6: R=a*=1M* =(a—2)" +(a—1)

a=1-1(L-1),R=1-(C):(x—1) +(y+1) =1
a=5-1(5-5),R=5—(C):(x=5) +(y+5) =25

& . Chon D.

Ciu 44. 4B:x—y+1=0, doan AB c6 trung diém M(2;3)—>trung truc cua doan AB la
d:x—l—y—5=0—>l(a;5—a),a€Z.
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> :|2a+2|

Jio

Ta co: R:IA:d[I;A}:\/(a—l)2+(a—3) S a=4—I1(41),R=A10.

Vay phuong trinh duong tron 1a: (x—4) +(y—1) =10 x> + > —8x—2y+7=0.
Chon D.

Cau 45. 4B:x-2y+5=0, doan AB c6 trung diém Mm(;2)—trung truc ciia doan 4B la

d:2x—|—y—4:0—>[(a;4—2a), a<5. Tacod

R=14=d[I;A]=(a+1) +(2a—3) —@@a—fiﬂl(S;Z),R—S.

Vay phuong trinh duong tron la: (x—3)" +(y+2)" =25. Chon A.
Cau 46. Chon B.

Cau 47. Xét phuong trinh dang : x* + y* —2ax—2by 4+ ¢ =0, lan luot tinh cac hé sd a,b,c va kiém tra

diéu kién o*> +b*> —c>0.
X+ —dx4+6y—12=0—a=2,b=-3,c=—12—a*+b*—c>0. Chon D.

Céc phuong trinh 4x* + * —10x—6y —2=0, x> +2)* —4x—8y+1=0 khong c6 dang da néu loai cac dap

an AvaC.
Pép an x> + y* —2x 8y +20=0 khong thoa man diéu kién o> +5> —c > 0.
Cau 48. Loai cac dap an D vi khong c6 dang x> + y* —2ax—2by + ¢ =0.
Xétdap an A :
X4y 42x—4y+9=0—oa=—-1b=2,c=-9—da’ +b*—c<0—loal A.
Xétdadp an B :

X+ —6x+4y+13=0—a=3,b=-2,c=13—a’ +b’—c<0— loai B.

Xétdapan D :
a=2
2x° +2y" —8x—4y—6=0<x"+)y' —4x—2y-3=0—1b=1 —a’ +b"—c>0.
c=-3
Chon D.

Cau 49. Loai cac dap an C va D vi khong c6 dang x* + y* —2ax—2by +c=0.

Xétdap an A : xz—l—y2—x—y+9:0—>a=%,b:%,c:9—>a2+b2—c<0—>loai A.

XétdépanB: ¥’ +)’ ~x=0—a=—,b=c=0—a’+b’—c>0— Chon B.

1
27
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Cau 50. Xét A :

1

¥4y —x+y+4=0—a= b:—z,c:4—>a2+b2—c<0—>ChQn A.

1
2 b
Cac déap an con lai cac hé sO a, b, c thdoa man o* +b* —c>0.

Cau 51. Taco: »’ —&—yz—|—2mx—i—2(m—1)y—|—2m2 =0

a—=——m

— b=1—m—>a2—|—b2—c>0<:)—2m—|—1>0(:)m<%. Chon A.

c=2m’
a—=—m
Ciau 52. Tacod: x> +y* —2mx—4(m—2)y+6-m=0—1b=2(m—2)—a’ +b —c>0
c=6—m
m<1
& 5m’ —15m+10>0 < . Chon B.
m>2

a =
Caus53.Taco: X +y* —2x+2my+10=0—1{b=-—m—a’*+b*—c>0m*—9>0

c=10
m<-—=3
= m=45...;10. Chon C.
m>3
a=4
Caus54. ¥’ +y* - 8x+10y+m=0—{b=-5—-a’+b'—c=R*=49 < m=-8.Chon C.
c=m
a=m+1
Cau 55. Tacod: x> +y* —2(m+1)x+4y—1=0—1b=-2
c=-—1

— R =d+b*—c=(m+1) +5—R,, =5 m=—1. Chon B.

Cau 56. Duong tron (C) c6 tam 7(—2;—2) nén tiép tuyén tai M c6 VIPT 14 7 = Iv = (4;3), nén c6 phuong
trinh 1a: 4(x—2)+3(y—1)=0« 4x+3y—11=0. Chon D.

Cau 57. Puong tron (C) ¢6 tAm 7(1;—2) nén tiép tuyén tai 4 c6 VTPT la
i=Id=(2-2)=2(L-1),

Nén c6 phuong trinh 1a: 1.(x—3)-1.(y+4)=0<x—y—7=0. Chen C.

Cau 58. Duong tron (C) c6 tam 7 [%%] nén tiép tuyén tai N c6 VIPT la
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Nén c6 phuong trinh la: 1(x—1)+3(y+1)=0< x+3y+2=0. Chon D.
Céau 59. buong tron (C) c6 tam 7(3;—1),R=+/5 va tiép tuyén c6 dang

A:2x+y+c=0(c#7).

=% ChonB.
10

c
c=—

: 5|
Tacd R=d[I;A @&:\/54@
[1;A] N

Cau 60. Puong tron (C) ¢6 tAm 1(—2-2),R=>5 va tiép tuyén c6 dang
A:3x—4y+c=0(c#—-2018).

c=23

M:ﬁ: . Chon A.
27

Tacd R=d[;A]&
c=—

Cau 61. Duong tron (C) c6 tdm 7(21),R=5 va tiép tuyén co6 dang
A:dx+3y+c=0(c#14).

|c+1l|:5® c=14(1)

Taco R=d[;A] &
c=-36

. Chon C.

Cau 62. Duong tron (C) c6 tam 1(2;—4),R=5 va tiép tuyén c6 dang
A:4x+3y+c=0.

c=129

Ta co de[[;A]@QZS@ - Chon D.

=
Cau 63. Puong tron (C) c6 tim 7(—2:1),R =13 va tiép tuyén c6 dang

A:3x+2y+c¢=0.

oo |c—4|_ c=17
Ta cé R_d[I,A]@)—\/E =Vi3 & RS Chon C.

Cau 64. DPuong tron (C) ¢6 tAm 7(2;2),R=2 Vva tiép tuyén c6 dang A:x+c=0.
Ta c6 R:d[I;A]<:>|c+2|:2<:>\C:04. Chon C.
c—_

Cau 65. buong tron (C) c6 tam 7(1;—2),R=2v2 va tiép tuyén c6 dang

Azax+by—5a+2b=0 (a2 +b’ 7&0)

A 4a| a=b—a=b=1
T 2 d[I;Al=R |—:2 2 _p*=0 .Chon B.
aco [, ] @m f@a @a:fbﬁazljb:flc on
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Cau 66. Puong tron (C) ¢6 thm 7(2;2),R=2 va tiép tuyén c6 dang

A:ax+by—4a—6b=0 (a2+b2 7’:0)

Ta co: d{];A]:R@Mzzéb(?’b_’Jm):O@bZOHa:l,b:O .
m 3b:*4a—>a:3’b:,4

Chon D.
Cau 67. Puong tron (C) ¢6 tAm I(—11),R=>5 va tiép tuyén c6 dang
Azax+by—9a+4b=0 (ab#0).

|10a —5b|
s —=

2

Ta co: d[I;A]=R
a+b’

5<:>a(3a—4b):0

<3a=4b—a=4b=3—-A:4x+3y—-24=0.

d[P;Al w 3. Chon B.

Cau 68. buong tron (C) ¢ tdm 7(1;—2),R =4 — 0l =+/5 < R — khong c6 tiép tuyén nao cua dudng tron
ké tr O. Chon A.

Cau 69. Vi M €(C) nén c6 ding 1 tiép tuyén ctia duong tron ké tir M. Chon C.

Cau 70. Puong tron (C) co tim 7(2;-3),R=2— IN=416+9=5>R—c6 ding hai tiép tuyén cua
duong tron ké tir N. Chon C.
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CHUYEN PE: PHUONG PHAP TQA PO TRONG MAT PHANG

BA PUONG CONIC
A. TOM TAT LY THUYET

1. ELIP

- Cho hai diém c6 dinh va phan biét F, F,. Pat FF, =2c¢>0. Cho sb thuc a 16n hon c. Tap
hop cac diém M sao cho MF, + MF, =2a dugc goi la duong elip . Hai diém F, F, dugc goi
13 hai tiéu diém va FF, =2c dugc goi 1a tiéu cy cua elip do.

- Trong mit phang toa d6 Oxy, elip c6 hai tiéu diém thudc truc hoanh sao cho O 1a trung diém
2 2

2 X « Jen IS ’ 1 r 3 X L
cua doan thang ndi hai tiéu diém d6 thi c6 phuong trinh —+ Z—z =1,v6i a>b>0.(2)
a

Nguoc lai, mdi phuong trinh c6 dang (2) déu 14 phuong trinh cua elip c¢6 hai tiéu diém
E(— a’ —bZ;O), Fz( a’ —bz;O) , tiéu cu 2¢ =2va’ —b> va tong cac khoang cach tir mdi
diém thudc elip d6 t6i hai tiéu diém bing 2a .

- Phuong trinh (2) dwgc goi 1a phurong trinh chinh tac cua elip tuong mg.

2 2
*Tinh chit va hinh dang ciia Elip: Cho elip c6 phuong trinh chinh tic x_2+2/_2 =1,vé6ia>b>0.
a

e Truc dbi xtmg Ox, Oy

e Tam dbi xtng O .

e Tidu diém F, (-¢;0), F,(c;0).

e Toa do céc dinh 4 (~a;0), 4,(a;0), B, (0;-b), B,(0;b).

e D0 dai truc 16n 2a. Do dai truc bé 2b.

e Noi tiép trong hinh chir nhat co s¢ ¢6 kich thudc 1a 2a va 2b.

A . C
e Tamsal e=—<1.
a

. s A a \ a
e Hai duong chuan x=— va x=——.
e e

e M(x;y)e(E).Khido MF =a+ex: ban kinh qua tiéu diém trai.

MF, = a—ex : ban kinh qua tiéu diém phai.
2. HYPEBOL

Trén mat phéng, néu hai thiét bi dat tai cac vi tri F,, F, nhan dugc mot tin hiéu 4m thanh cung
ltc thi vi tri phét ra tin higu cach déu hai diém F,, F,, va do d6, nam trén dudng trung truc ciia
doan thang FF, .




Cho hai diém phan biét c6 dinh F,, F,. Pat FF, =2c. Cho s6 thuc dwong a nho hon c. Tap
hop céc diém M sao cho |MF, — MF,| =2a dugc goi la duong hypebol . Hai diém F,, F, duoc
goi 14 hai tiéu diém va F.F, =2c dugc goi 1a tiéu cu cta hypebol do.

Trong mit phang toa d6 Oxy, hypebol c6 hai tiéu diém thudc truc hoanh sao cho O 14 trung

2 2

diém ctia doan thang ndi hai tiéu diém d6 thi c6 phuong trinh x—z—;—z =1,v6i a,b>0.
a

Nguoc lai, mdi phuong trinh c6 dang (4) déu 1a phuong trinh cua hypebol cé hai tiéu diém
E(—W;O), FZ(W;O), tidu cu 2x=2va®+b* va gia tri tuyét ddi cua hiéu cac
khoang cach tir mdi diém thudc hypebol dén hai tiéu diém bang 2a .
Phuong trinh duoc goi 1 phuong trinh chinh tic cua hypebol trong tmg.

3. PARABOL

Cho mét diém F ¢ dinh va mot dudng thing A cb dinh khong di qua F . Tap hop cac diém
M cach déu F va A dugc goi la duong parabol . Piém F duoc goi la tiéu diém, A duoc goi1
la duong chuan, khoang cach tr F dén A dugc goi la tham s ti€u cua parabol do.
Xét (P) 12 mot parabol véi tiéu diém F , duong chuin A. Goi H 1a hinh chiéu vudng goc cia
F trén A. Khi do, trong hé truc toa d0 Oxy véi géc O la trung diém cua HF, tia Ox trung
véi tia OF , parabol (P) c6 phuong trinh

v =2px (5)
Phuong trinh (5) duoc goi 1a phuong trinh chinh tic ciia parabol (P) .

Nguoc lai, mdi phuong trinh dang (5) ,v6i p >0, 1a phuong trinh chinh tic ctia parabol c6 tiéu
diém F(g;oj va duong chudn A:x = —g :
4. MOT SO UNG DUNG CUA BA PUONG CONIC. TINH CHAT QUANG HQC

Twong tu guong cau 16i thuong dit ¢ nhitng khiic duong cua, ngudi ta ciing ¢6 nhitng guong
elip, hypebol, parabol. Tia sang gdp cac guong nay, déu dugc phan xa theo mot quy tac dugc
xac dinh ro béng hinh hoc, chang han:

e Tia sang phat ra tir mot tiéu diém cua elip, hypebol sau khi gip elip, hypebol s& bi hit lai theo mot

tia nam trén duong thing di qua tiéu diém con lai .




Hinh 7.29
e Tia sang hudng t6i mét tiéu diém cua elip, hypebol , khi gip elip, hypebol s& bi hét lai theo mot tia

nam trén duong thang di qua ti€u diém con lai .

Hinh 7.30

e V&i guong parabol 16m, tia sang phat ra tir tiéu diém khi gip parabol s& bi hit lai theo mot tia
vudng goc voi duong chudn cua parabol . Nguoc lai, néu tia téi vudng goc véi dudng chudn ciia parabol
thi tia phan xa s& di qua tiéu diém cia parabol.

Tinh chét quang hoc dugc dé cap ¢ trén gitp ta nhan dugc anh sang manh hon khi céac tia sang hdi tu va
giup ta d6i hudng anh sang khi can. Ta cling c6 di€u twong tw doi voi tin hi¢u am thanh, tin hiéu truyén
tr vé tinh.

MOT SO UNG DUNG

Nha vom hoa (Flower Dome) trong Khu vuon Céng vién voi hinh elip & phia nam
bén vinh (Gardens by the Bay), Singapore Nha Trang, Hoa Ky
Ba dudng conic xuit hién va ¢ nhiéu img dung trong khoa hoc va trong cudc séng, ching han:
e Tia nuéc bin ra tir dai phun nudc, duong di bong cua qua bong 1a nhitng hinh anh vé duong
parabol;
e Khi nghiéng cbc tron, mit nude trong cde ¢ hinh elip. Tuong tu, dudi anh sang mit trdi, bong cia
mot qua bong, nhin chung, 1a mot elip;

e Anh sing phat ra tir mot bong dén Led trén trin nha c6 thé tao nén trén tuong cac nhanh hypebol;




e Nhiéu cong trinh kién trc c6 hinh elip, parabol hay hypebol.

Hinh 7.32

B. PHUONG PHAP GIAI TOAN

PHAN 1. ELIP:

1-Dang 1: Xdc dinh cdc yéu t6 ciia elip:

a) Phuong phap:

2 2
s, . P X Y .
Cho Elip c6 phwong trinh chinh tac: (E) : _2+b_2 =1 véi b* =a®—¢*.
a

e Tiéu diém F(-c;0), F,(c;0).
e Toa do céc dinh 4 (-a;0), 4,(a;0), B, (0;-b), B,(0;b).
e D¢ dai tryc 16n 2a.
e D¢ dai truc bé 2b.
e Tiéu cu 2¢
b) Vi du minh hoa:
Vi du 1: Cho elip ¢6 phuong trinh g + y?z = 1.Tim tiéu diém va tiéu cu cua elip
Loi giai

a’ =36

S A
Taco.36+ 3 —1=>{b2=9

Mitkhacc? =a? —b?>=36—-9=27 = c = +V/27.
Vay ta c6 hai tiéu diém F; (—v27;0) va F,(v27; 0),c6 tidu cu bang 2¢ = 2v27.

2 2
. X
Vi du 2: Tim toa d cc dinh, do dai cac truc, tiéu cu, tidu diém, tim sai cua elip: (E) T yT =1,

Loi giai

T phuong trinh cta ¢ =va’ b’ :\/g(E),tac() a=2,b=1.Suyra c=\a’ -b’ =3.




Suy ra toa d¢ céc dinh 1a 4, (-2;0); 4,(2;0); B, (0;-1); B, (0;1).
Do dai truc 16n 44, =4, d6 dai truc bé BB, =2.

Ticu ey FF, =2¢=23, ticu diém 1a £, (~y3:0): £ (v3:0).

3
Tam sai cua ¢ =va’ —b* 2\/5 lae= ¢ =§.

a
Vi du 3: Tim toa d6 cac dinh, d dai cac truc, tiéu cu, tiéu diém, tm sai cta elip: (E ) 4x* +25 y2 =100,
Loi giai

2 2

Taco 4x° +25y° ZIOOQ%-I-%:I suyra a=5; =2 nén c=va’ —b’ =21,
Do d6 toa d céc dinh 1a 4, (=5;0); 4,(5;0); B, (0;-2); B,(0;2).
Do dai truc 16n 44, =10, 46 dai truc bé BB, =4.

Tiéu cy FF, =2c=221, tiéu diém 1a E(—\/i;o); Fz(\/ﬁ;o).

Tam sai cua (E) la €=£=—.
a 5

Vi du 4: Tim toa do cac dinh, do dai cac truc, tiéu cy, tiéu diém, tim sai cua elip: (E):4x’ +9)” =1,

Loi giai
X’y 5
Ta c6 4X2+9y2=1<:>T+T=lsuyra a:l;b:l nén c=+a’-b* =—,
- = 2 3 6
4 9
, N a1 1 1 1 1
Do d6 toa dd cac dinh 1a 4| ——;0 |; 4,| —=;0|; B;| 0;—=|; B,| 0;— |.
2 2 3 3

D dai truc Ion 44, =1, d6 dai truc bé B B, =§.

245 q J5 J5
Tiéu cy FF, :2c:TJ—, tiéu diém 1a E[—?;OJ; F{?;Oj.

5

Tam sai cia (E) 1a e==="2
a 3

Vidu 5 : Tim tim sai cua Elip biét:

a) Mbi tiéu diém nhin truc nho dudi mot goc 60°.




b) Pinh trén truc nho nhin hai tiéu diém dudi mot goc 60°.

¢) Khoang céch giita hai dinh trén hai truc bang hai 1an tiéu cu:

Loi giai

a) Tr gia thiét, ta c6: tan30° = b < b =c.tan30°

C
Suyra: e=—
a

C

2
c

1

@ b+t Atan?30°4¢® tan®30°+1

<:>e=cos30°=—3
2

b) Tu gia thiét, tacod cot30° = b < b=c.cot30°

C
Suyra: e=—
a

C

2
c

@ b+cd teot?30°+¢ cot?30°+1

<::>e:sin30°=l
2

¢) Tir gia thiét, ta c6: A232 =4c

oANdt+b =dc o d* +bF =16¢°

15¢
S A+b+b =16¢> bt =
S ¢ o ¢ ¢ 2 2
uy ra. = — =—= = _
yHe a b*+c* 15¢0  , 17
2
5
Se=—o
2
c) Bai tap tric nghi¢m :
2 2
- % A g2 . Xy
Caul:  Cap diém nao la cac ti€u diém cua elip (E ): ?+T
A. F,=(0:%1). B. F, =(£1,0). C F,
Loi giai

Chon B.

=cos’ 30°

sin” 30°




Cau 2:

Cau 3:

Cau 4:

Cau 5:

Taco: @’ =5b =4=c"=d’-b =1 =c=1 = F, =(1;0).

Cho Elip (E ) :4x” +9y* =36. Ménh dé nao sai trong cic ménh dé sau:

5

A. (E) cétiséEZT. B. (E) ¢6 truc 16n bang 6.
a
C. (E) ¢6 truc nho bang 4. D. (E) co tiéu cur \/g
Loi gidi
Chon D.

2

2
(E):4x2+9y2:36<:>%+y7:1

Suy ra: @ =3,b=2,c:\/§
Tiéu ey cua (E) 1a 2¢=25.

2 2
x .
Cho elip 3 + _yl =1. Phét biéu nao sau day ding?

A. Ti sb giita truc 16n va truc nho bang \/5 . B.Tiéucu bang 4.

C. Tam sai ¢= % D. Hai ticu diém F|(=2;0) va F,(2;0).
Loi gii
Chon A.
A =3=a=+3

2 2

Ta ¢6 (E):x?+yT:1:> P =1=b=1

cz=a2—b2:2:>c=\/§

Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cia elip

N

A. 4x>+8y2=32. B.xT2+yT:1.
5 2
c,x_2+y_2=_1. D.x—z—y—zzl.
64 16 8 4
Loi giai
Chon A.

2 2
Vidx*+8y2=32 o~ +2 =1,
8 4
. x> y? 2 . .
Cho elip (E):?+T:1. Chon khang dinh sai

A.Diém A(3;0)e(E). B. (E) c6 tidu cu bang 25,

3.5

C. Truc 16n ciia (£) c6 do dai bang 6. D. (E) c6 tim sai bang T .

Loi giai



Cau 6:

Cau 7:

Caiu 8:

Cau 9:

Chon D.
a’=9=a=3
, x2 2
CO(E):—+=—=1=b*=4=b=2
9 4
c2:a2—b2:5:>c:\/§

c 5

Khi d6 (E) c6 tim sai bang e=—= 5
a

Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cua elip

A X -y =2, B. X+ =2,

C. x*+2y°=2. D. x* =2y°.
Léi gidi

Chon C.

2 2
Vid42y' =2 o+l =1,
2 1
N xZ 2

Trong mat phang (Oxy), cho elip (E ) c6 phuong trinh £+f—6:1 . Tim tiéu cyu cua (E )

A. FF,=12 B. FF,=8 C. FF,=25 D. FF,=4/5
Loi giai

Chon'D

xy? a=6 2 2 2

LR ARTE = =a>-b =20=c=2J5 =FF =4/5.

36 16 b=4

N x2 2

Trong mat phang Oxy, tim tiéu cu cua elip (E):§+f—6:1.

A. 3 B. 6 C. 4 D. 5
Loi giai

Chon' B

Cla*=25

Ta c6 =c¢ =25-16=9=c¢=3.
b’ =16

Vaytiéucu 2¢=6.

2 2

Tim cac tiéu diém cua Elip % + yT =1

A. F(3,0); F,(0;-3). B. F(V8;0); £ (0:-8).

C. F(-3;0); F,(0;-3). D. F;(—/8:;0); £;(V3;0).
Loi gidi

ciigi D

2 2
(E): %+y—:1 cOa=3;b=1 =c=+Ja’-b’ =8.

1



Vay (E) c6 cic tiéu diém 1a: F(—3;0); £ (V/8;0).

2 2

Cau10: Elip (E): %+% =1 c6 do dai truc 16n bing:
A. 25, B. 50. C. 10. D. 5.
Loi gidi
Chon'C
» s

T phuong trinh (E):;—5+%:1 =a=5.

Do d6 (E) c6 d6 dai tryc 16n 1a 2a=10.

Cau11:  Cho 9x” +25y” =225. Héi dién tich hinh chit nhat co s& ngoai tiép (E) la
A. 15. B. 30. C. 40. D. 60.

Loi giai
Chon D.

2 2

Phuong trinh chinh tic cta (E ) S A

25 9

|la® =25 a=>5

Ta co = .
b? b=3

Di¢n tich hinh chir nhat co s& ngoai tiép (E ) la S=4ab=60.

Cau 12:  Cho (E) c6 do dai truc 16n bang 26, tim sai e = % Do dai truc nhé ciia (E) bing
A.s. B. 10. C. 12 D. 24.
Loi gidi
Chon B.

Taco 2a=26=>a=13.

€=£=£:>C=12.
a 13

b=a’ - =[169-144 =>5.
Do dai truc nhé 1a 26 =10.
Cau13: Cho (E):16x*+25y” =100 va diém M thudc (E) c6 hoanh d¢ bang 2. Tong khoang cach
tr M dén 2 tiéu diém cia (E) bing
A 5. B. 242. C. 4/3. D. 3.
Loi giai

Chon A.




Cau 14:

Cau 15:

Cau 16:

Xy “=T  |a=2
Ta co: (E):IO70+@:1:> b2_100:> b_22
16 25 T 95 -

Theo dinh nghia Elip thi v6i moi diém M e (E) tacod: MF, + MF, =2a=5.

2 2
Cho elip (E) :x? + y? =1. Ti sb giita tiéu cu va d6 dai truc 16n bang
NEER g.ﬁ. o 35 p. 25
4 5 5 5
Loi gidi
Chon B.

Taco: a*=5=a=+5;b*=4=b=2 =c=va’-b* =

A A em ien \ A ga- f LY c 5
Vay ti s0 gitra ti€u cyu va dg dai truc 16n bang 2—=§
a

Phuong trinh chinh tic ctia (E) ¢6 d¢ dai truc 16n gip 2 1an do dai truc nho va di qua diém

A(2;-2) 1a
x2 2 x2 2 x2 2 x2 2
A X o, B. - +2 1. c. X o, p. X +X
24 16 36 9 16 4 20
Loi giai
Chon D.
x* y
Goi phuong trinh elip 13 (E): =+ T = 1.
a
2 2
. a’=4b a’=4b az —90
Theo bai ra ta c6: b2 .
a’ 4b2 b2 - -
« . x* oy’
Vay phuong trinh elip 1a (£): %+? =1.

Phuong trinh chinh tic cia (E ) nhan diém M (4;3) la mot dinh cua hinh chir nhat co so la

x2 2 xZ 2 x2 2 x2 2
A.—+y—:l. B. L+ . c.+X o, p. 1Y
16 9 16 4 16 3 9 4

Loi giai
Chon A.
x 2
Goi phuong trinh elip 13 (E): = + 2 =1,

2 b2

Q




Cau 17:

Cau 18:

Cau 19:

Cau 20:

Vi M (4;3) 1a mot dinh cta hinh chit nhit co sé nén a=4, b=3.

2
+ 2o,
9

2
Vay phuong trinh elip 1a (E): f_6

, . L :
Phuong trinh chinh tac cta (E ) c6 khoang cach gilra cac duong chuan bang Y va tiéu cu

bang 6 1a

Aol BI4Lo cXaXo pIaro
Loi gidi

Chon C.

2 2
Goi phuong trinh elip 1a % + y—2 =1.

Theo bairatacd { 3 &

2
a—:é {a2=25
2c=6

2 2

A . Lol X Y
Vay phuong trinh elip la —+-—=1.
ay p g p YRET;

2 2

Trong mit phang Oxy, cho dudng elip (E): %+y7 =1 c6 hai tiéu diém F,, F,. M la diém
thuoc (E). Tinh MF, + MF, .
A5 B. 6 C.3 D.2
Loi gidi
Chon B

2 2
Phuong trinh cia (E) c¢6 dang x—2+)b}—2=1 (a*=b"+c*).Suyra a’ =9 = a=3.
a

Do M thudc (E) nén MF, + MF, =2a =6.

Trong mit phang Oxy cho elip (E ) ;x> +3y” = 6. Gia tri nao sau déy 1a tiéu cu cua elip?
A. 2 B. 3 C.6 D. 4
Loi giai

Chon D

2 2
Ta ¢6 (E):%+y7=1, d6 d6 a=~6,b=+/2, c=2.D0 dai tiéu cu 1a 2¢ = 4.

4x*  4y?

Trong hé truc toa do (Oxy), cho elip (E): Y + =1. D0 dai tiéu cu cua (E) bang

A 4. B. 8. C. 16. D.2.




Chon A.
) 4x2 4y2 x2 y2 2 y2
Ta co (E)X'F 9 —1@54‘@— 5 3 3 7=
v BB
5
azz
Do do 3: Na' -b* =2.Vaydo daititucu la FF, =2c=4
b==
2

2 2

Cau2l: Choelip (E): % + % =1. Trong cac khang dinh sau, khang dinh nao sai?

A. (E) cé cac tieu diem F, (—4;0) va F,(4;0).
B. (E) cotisd Z:_'
C. (E) c6 dinh 4, (-5;0).
D. (E ) c¢6 d6 dai truc nho bang 3.
Loi giai
Chon D

2

2
Phuong trinh elip (E):;—5+%:1 néntacd: a=5b=3=c=4.

Nén cac dap an A;B;C dung.
Dap an D sai vi d6 dai tryc nho bang 26 =6.

2 2

Céau 22: Trong mit phiang Oxy cho (E ) cO phuong trinh: %+y7 =1 khang dinh nao sau day dang?

A. (E) c6 tam sai e=TS.

B. F, (0; —\/g),F2 (O;\/g) 1a cac tiéu diém cua (E)
C.bodaitruclénla 9.
D. Céc dinh nim trén truc lén 1a 4, (0;3) va 4,(0;-3).

Loi giai
Chon A
|a*=9 a=3
Ta co: &
b2=4 b:2
Ma c2:a2—b2:9—4:5:>c:\/§
A. (E) cotamsai e =

:g. Ping

F(=V5:0), £, (7/5;0) . Sai

’—‘le

B. Tiéu diém cua ( )




C.Dbodaitruclénla: 44, =2a=6. Sai
D. Céc dinh trén truc lén 1a : 4, (—3;0), 4, (3;0). Sai

2
Cau 23: Cho Elip c6 phuong trinh XT +y? =1. Mot tiéu diém cua Elip c¢6 toa do 1a:

A. A(\Eo). B. B(o;\@). C. c(ﬁ;o). D. D(O;\/g).
Loi giai
Chon A.

Taco:c*=a’-b*=4-1=3.

Nén tiéu diém cua Elip co6 toa do 1a: F (—\/§;0),F2 (\6;0).

Ciau 24: Cho Elip c6 phuong trinh x* +4y* =1. Tiéu cu cua Elip la:

A N5, B. 3. C. 245, D. 2./3.
Loi giai
Chon B
x2+4y2:1<:>x2+yT2:1
4
Taco: c2=a2—b2=l—l=%<:>c:§.

Tiéu cu la 2c=+/3.

2
Cau 25:  Dién tich cua tir gidc tao nén boi cac dinh ciia elip (E): XTJF Yy =11la
A. 8. B. 4. C.2. D. 6.
Loi gidi
Chon B.
2
* Toa do cac dinh cta elip (E):x?+y2 =11a 4,(-2;0), 4,(2;0); B, (0;-1), B,(0;1).
* Vit gidc 4, B,4,B, 1a hinh thoi c6 hai duong chéo 44, =4 va BB, =2.

. L 1
* Vay dién tich tr gidc can tim la § = 5" AA,.BB, =4.

2 2

Céu 26: Trong mit phang Oxy cho elip ¢6 phuong trinh (E): ;—5+% =1. Duong thing A:x=—4 cit

elip (E ) tai hai diém M, N . Tinh d6 dai doan théng MN?

A. MN:E. B. MN:i. C. MN=E. D. MN =
25 25 - 5

o | o

Loi giai




Cau 27:

Cau 28:

Cau 29:

Chon'C

2
Thé x =—4 vao phuong trinh elip (E) ta duogc: £+y_:1 =y =i2.

9 5
= M(—4;—2j, N(—4;2j
5 5

Do d6: MN = %
2 2

Trong hé toa do (Oxy) , cho elip (E): ;_5+i/_6 =1. Ban kinh qua tiéu cta (E) dat gi4 tri nho
nhat bing
A. 0 B. 1 C. % D. 2

Loi giai

Chon D.
Tur phuong trinh elip ta co6 {Zij: c= \/ﬁ =3. Ban kinh qua tiéu la MF, =a +§x véi

—a<x<a.Suyra a-c<MF, =a+c hay (MFl) =a-c=5-3=2.

min

2 2
Mot elip (E) c6 phuong trinh x_2+2/_2=1, trong 46 a>b>0. Biét (E) di qua diém
a
A(242) va B(242;0) thi (E) 6 do dai truc bé 1a
A. 4. B. 24/2. C.2. D. 6.
Loi giai
Chon A.
2
22 2
(E) di qua B(Z\/E;O) nén ta co ( > ) +2—2=1 suy ra a=22.
a
2
7, ()

(E) di qua A(2;\/§) nén ta co T+ lsuyrab=2.

b—2:

Do d6 d¢ dai truc bé 26 =4.

Cho (E) c6 hai tiéu diém F,(—4;0), F,(4;0) va diem M thudc (E). Biét chu vi tam gidc
MF F, bang 18. Khi d6 tam sai cia (E) bang
NS Bt c. -4 b
Loi gidi
Chon B.

Taco FF,=8va c=4.




Cor, = MF, + MF, + FF, =18 = MF, + MF, =10=2a = a =5.

(VAN

A C c
Tam sai cua elip: e=—=
a

Cau30:  Cho (E) c6 hai tiéu diém £ (—/7;0), F,(V/7;0) va diém M(—ﬁ;%} thuoc (E). Goi N 1a

diém dbi xtmg v6i M qua gbc toa d6 O. Khi do

A. NF1+MFz:%. B. NFz+MF]:%. C. NFZ—NFI:% D. NF +MF, =8.
Loi giai
Chon B.
A , r.: A A A 9
N do1 xting vé1 M qua goc toa do O nén N(ﬁ;—zj.
2 2
Ta co: MF, :%;MF2 :73;NF1 :—3;NFZ :%

Do d6 NF, + MF, :%



2.Dang 2 Lip phwong trinh chinh tic ciia elip:

2 2
a) Phuong phép: Phuong trinh chinh tdic ciia Elip c6 dang: (E): x—2+Z—2 =1véi b’ =a’-c*; ..}

N

b) Vi du minh hoa:
Vi du 1: Lap phuong trinh chinh tic cia elip di qua diém A(5;0) va c6 mot tidu diém 1a Fa(3;0)
Loi giai

2 2
Ta c6:Phuong trinh elip c6 dang: Z_ + % = 1(a>b>0)

2
Do elip di qua A(5; 0)nén: z—§+£—2 =1=a%*=25
Mic khéc: tiéu diém F,(3;0)nén = ¢ = 3 => c? = 9 = a? + b?
=> h% = 16.

2

. 2
Vay phuong trinh cua elip can tim la :Z_s + 31/—6 =1

Vi du 2: Lap phuong trinh chinh tic cua Elip, biét:
a) Elip di qua diém M (2;%) va ¢ mot tiéu diém £ (-2;0).
b) Elip nhan F, (5;0) 1a mét tidu diém va co do dai truc nho bang 44/6 .
¢) Elip c6 do dai truc 16n bang 25 va tieu cu bang 2.
d) Elip di qua hai diém M(z;—ﬁ ) va N(—JE;l).
Loi giai

a) Do (E) c6 mot tiéu diém F; (-2;0) nén c¢=2.Suyra a’ =b*+c’ =b" +4.

5]
L2
Mat khac, (E) di qua diém M 2;2 nén 2—2+ 32 =l 24 +252:
3 a b b°+4 9b
20

< 9b*-25b* -100=0 <> b* =5 hoic b’ R

Vay Elip can tim c6 phuong trinh (E): %2 + y?z =1.
b) Do (E) c6 mét tiéu diém F, (5;0) nén c=5.
Theo gi thiét d6 dai truc nhd bing 44/6 nén 26 =46 < b =26 .
Suyra @’ =b* +¢* =5 +(2\£)2 —49.
:

XLy

Vay Elip can tim ¢6 phuong trinh (£): B on= 1.

¢) Bo dai truc 16n bang 25 nén 2a:2x/§<:>a:x/§.Tiéucub§ng2nén 2c=2&c=1.




T hé thic a* =b>+c¢*,suyra b’ =a’ —c* =5-1=4.

2 2
Vay Elip can tim ¢6 phuong trinh (E): x? + y? =1.

4.2, |L_1

a’ b a 8 {02:8
6 1 1 1 b =
_+_: = —

a’ b b 4

2 2
Vay Elip can tim c6 phuong trinh (E): % + yT =1.
Vi du 3: Lap phuong trinh chinh tic ciia Elip, biét:

a) Elip c6 tong do dai hai tryc bang 8 va tam sai e = L

Nk
b) Elip c6 tam sai e = TS va hinh chit nhét co s& ¢6 chu vi bang 20.

¢) Elip ¢6 tidu diém F, (=2;0) va hinh chi nht co s& 6 dién tich bang 124/5 .
Loi giai
a) Tong d¢ dai hai truc bang 8 nén 2a+2b=8. (1)
c_ L

Témsaie=L©—= <:>a=\/§c.(2)

V2 a2
2a+2b=38 {a+b=4 {\/Ec+b=4 {b:4—\/§c
<~ .

Tu (1) va (2), taco c 1 & g
() () e=—=— a:\/EC CI:\/EC a:\/EC

N

Thay vao hé thiac o’ =b* +¢°, ta duoc
2
2¢ =(4—\/§c) +c? &P -8 2c+16=0< c=4/2+4.

=8+4/2
OV(')’ic:4\/§+4,suy ra . V2 : khong théa man.
b=—4-4J2

a=8-42

. Do d6 Elip can tim c6 phwong trinh
b=—4+42

e Véi c=4J2-4, suy ra {

2 2
(E):—= Y -1

(s-av2) (124




\/g c \/g 3

b) Elip c6 tAm sai e=J-&—=—r&a=—=c. (1)

a 3 J5

Mat khac, Elip c¢6 hinh chtt nhat co s&6 c6 chu wvi br:ing 20 nén
2(2a+2b)=20=a+b=5<b=5-a.(2)

Thay (1) va (2) vao hé thirc a® =b* +¢*, ta dugc

3

(ﬁcjzz(S—a)2+c2@(%cf:KS—%cJZ+c2<:>c2—%c+25:O<:> c;\/g .

o Voi c= Sx/g, suy ra {b 10: khong thoa man.

2 2
® Véi c=+/5, suyra {b 5 . Do d6 Elip can tim c6 phuong trinh (E):%+y7=l.

¢) Elip c6 mot tiéu diém F, (-2;0) nén ¢ =2.

Dién tich hinh chit nhat co s S =2a.2b =12y/5 < ab =35 < a’b* =45. (1)
Mit khéc, ta co a* =b*+c> =b" +4. (2)

Kéthop (1) va (2), ta duge

a’h’ :45<:>(b2 +4)b2 =45 b +4b% —45=0<b* =5 hoic b* =-9.

2

2
Véi b* =5, suyra a’ =9. Do d6 Elip can tim c6 phuong trinh (E): +y?=1.

\o|><

Vi du 4: Lap phuong trinh chinh tic cia Elip, biét:

a) Elip di qua diém M (—\/g ;2) va khoang cach giita hai duong chuan bang 10.

. ST . 3 \ 5 r N A A 4 5 r A A \ A M
b) Elip c6 tam sai e =g va khoang cach tur tam doi xtng cia né dén mot duong chuan bang

25
3

. . 2
¢) Elip ¢6 dg dai truc 16n bang 10 va phuong trinh mot duong chuan la x = 75 .

d) Khoang céach giita cac duong chuin bing 36 va ban kinh qua tiéu diém cua diém M thudc
Elipla 9 va 15.

Loi giai

a) Elip di qua diém M(—\/§;2) nén iz+[;iz =1. (1)
a




Khoang cach gitta  hai duong chuén cua Elip bang 10 nén
2
22 1050 =504 =5¢. (2)
e e c

Tir (2), két hop v6i hé thire a® =b* +¢*, ta duoe b* =a’ —c* =5¢c—c’. (3)

Thay (2), (3) vao (1), ta dugc

i+ 4 2:1<:>cz—6c+920<:>c=3.
5¢c Sc-c
a2: \ X2 y2
Véi ¢=3, suyra g . Do d6 Elip can tim c6 phuong trinh (E):E+?:l'
b)Tacée=§<:>£:§<:>c:Ea.
5 a 5 5

. . . . 2
Elip ¢6 khoang cach tir tdm doi xung O dén mot duong chuan mot khoang bang ?5 nén

a 25 a’ 25 a’ 25
= &S — 5.

I
|
|
|
|
Q
I

Véia=5,suyrac=3vab’=a"-c’ =16.

2 2

Do d6 Elip can tim ¢6 phuong trinh (E): EeAN.

25 16
¢) Elip c6 do dai truc 16n bang 10 nén 2a=10<=a=5.
Mit khac, Elip c¢6 phuong trinh mot duong chuan

25 a 25 a° 25 5% 25
X=— o —=— o —=—S —=—c=4.
4 e 4 c 4 c

2 2
Suyra b’ =a’ —c* =25-16=9. Do d6 Elip can tim c6 phuong trinh (E):;—5+%:1.
: ) . T a a’ a’
d) Elip c6 khoang cach gitra hai dudong chuan bang 36 nén 2.— =36 < 2.— =36 < —=18.
e c c
5 MF, =a+ex=9
Mat khac, ta co suyra 2a=24<a=12.
MF, =a—ex=15

Véi a=12,suyra c=8 va b>=a’ —c> =144-64=80. Do d6 Elip can tim c6 phuong trinh

2 2
(E):=—+Z-1.
144 80
Vi du 5 : Lap phuong trinh chinh tic cua Elip, biét:

a) Elip c6 hinh chit nhét co s¢ ndi tiép duong tron (C):x” +»” =41 va di qua diem 4(0;5).




b) Elip c6 hinh chit nhét co s¢ ndi tiép duong tron (C):x* +3* =21 va diém M (1;2) nhin hai
tiéu diém cua Elip dudi mot goc 60°.
¢) Mot canh hinh chit nhét co s¢ cua Elip ndm trén d : x—\/g =0 va do dai duong chéo hinh
chit nhat bang 6.
d) TG giac ABCD 14 hinh thoi ¢6 bdn dinh tring véi cac dinh cua Elip. Ban kinh cua duong
tron noi tiép hinh thoi bang J2 va tam sai ctia Elip bang % .

Loi giai
a) Elip di qua 4(0;5)e Oy, suyra b=5.
Phuong trinh cac canh cia hinh chit nhat co sé la: x=ta; y=15.
Suy ra mdt dinh ctia hinh chit nhét co s6 14 (a;5). Theo gia thiét (a;5) thudc duong tron (C)
Sa’+25=414d"=16.

2 2

Véy Elip cn tim c6 phuong trinh (E): —+2-=1.

16 25
b) Theo gi thiét bai toan, ta c6 FMF, =60 suy ra

FF,’ = MF + MF,” = 2MF, .MF, .cos 60’

odc =(1+c) +4+(1-c) +4-2(1+¢) +44(1-¢)’ +4%

4 =22 +10—(1+¢) +4a[(1-c) +4 = [(1+c) +4./(1=¢c) +4 =10-2¢’

- 10-2¢* 20 o Jo<esys SR ET N D)
[(1+c)2+4M(1—c)2+4}=(10—2c2)2 ‘" '

3¢t —46¢* +75=0 3
Phuong trinh cac canh cta hinh chit nhat co s la: x=1a; y=1b.
Suy ra mot dinh cua hinh chit nhét co s6 14 (a;b). Theo gia thiét (a;b) thudc dudng tron (C)
A 2 2
nén a” +b" =21.

. r 2 2 2 2 2 2
Laicoé a”=b"+c ,suyraa —b" =c".

23+ 4419 a’+b7=21 o B9
.Vé’i62=+—,t306 234_4\/@@ 3 .
3 az—bzzT bz_zo-zd@

3




2 2

X y
Suyra (£): + =1.
yra (£) 43+2J19  20-2419
3 3
IR o829
L, 23-419 , 3
e Vil ¢c-=—,tacohd 23_4\/@@ )
3 Q- =" . 20+24/19
3 P =
3
x2 y2
Suyra (£): + =1.
yr () 43-2J19  20+2419
3 3

Vay c6 hai Elip can tim thoa yéu cau bai toan:

x2 y2 x2 y2
E): + =1 hoac (E): + =
(£) 434219 20-219 e (£) 43-2J19  20+219

3 3 3 3

1.

¢) Phuong trinh cac canh cta hinh chir nhat co s¢ la: x==xa; y==b.
Theo gia thiét, mot canh hinh chit nhat co s 1a d :x— \/g =0,suyra a= \/g .
Do dai duong chéo hinh chir nhat co sé bang 6 nén

Naa® +4b° =6 = 4a” +4b° =36 <= 20+ 4b*> =36 <> b* =4.
. XZ 2
Vay Elip can tim ¢6 phuong trinh (E):?+y7:1.

| 1
d) Elip ¢6 tim sai e = — <> <=~ <> a = 2c.
a

Elip ¢6 cac dinh 4, (~a;0), 4, (a;0), B, (0;-b), B,(0;6). Goi H la hinh chiéu ciia O lén
A4,B,.
Theo gia thiét suy ra ban kinh ctia dudng tron d cho bang OH . Ta ¢

1 1 1 11 1

IR S SENDIN S NS S S
4¢*  a*-cf 2 4 37 6

= + =
OH* 04> OB* 2 a* b

N | =

Suyra a’ =4c’ :E vab'=a’-c :Z.
3 2
Vay Elip can tim ¢6 phuong trinh (E):

Vi du 6: Lap phuong trinh chinh tic cta Elip, biét

a) Tt gidc ABCD 12 hinh thoi c6 bdn dinh tring véi cac dinh cta Elip. Pudng tron tiép xuc véi
cac canh cua hinh thoi ¢6 phwong trinh (C):x*+y® =4 va AC=2BD, A thujc Ox.




b) Elip c6 do dai truc 16n bing 8 va giao diém cua Elip v6i duong tron (C):x*+)° =8 tao
thanh bdn dinh cia mot hinh vudng.

¢) Elip ¢6 tdm sai e =— va giao diém ctia Elip v6i dudng tron (C):x* + »* =9 tai bon diem A4
, B, C, D saocho AB song song vo1 Ox va AB=3BC.

d) Elip c6 d¢ dai truc lon bé“mg 4\/5 , cac dinh trén truc nhé va cac tiéu diém ctua Elip cung nam
trén mgt duong tron.

Loi gidi
a) Gia st mot dinh ctia hinh thoi 1a 4(a;0). Suy ra AC =2a va BD =2b.
Theo gia thiét
AC=2BD < 2a=22b<a=2b.
buong tron (C) c6 R=2.Goi H 1a hinh chiéu cua O 1én AB voi B(0;b). Khi d6 ta co

1 1 1 1 1

+ — = — =
04> OB* OH* R* 4

LI <:>L+i:%<:>b2=5.

= -
b* 4  4b° b

1
2
a

2

2
Suy ra a’ =20. Vay Elip can tim c6 phuong trinh (E) :;—+y? =1.

(e

b) Elip c6 d6 dai truc 16n bang 8 nén 2a=8 < a=4.
Do (E) va (C) déu c6 tm ddi xtmg la O va hai tryc déi xtmg 1a Ox va Oy nén hinh vuéng

tao boi giira chiing ciing c¢6 tinh chat tuong tw. Do d6 ta gia st goi mot dinh ctia hinh vudng 1a
M (x;x) voi x>0.Vi M e(C)

ox’+x’ =8 x =4 suyra x=2=M(2;2).

TacéMe(E)@iz+iZ=1@i+iZ=1@b2=£

a b 16 b 3
. x2 y2

Vay Elip can tim c6 phuong trinh (E):E+E:1
3
PR . 1 c 1
c)Ehpcotamsalez—@—:g(:)a:k.
a

bat BC=x voi x>0, suyra AB =3x. Gia st mdt dinh A(%x;%x) Ta cod

) , 18 310 (9\/5 3\@)
= A |

1
Ae(C)©2x2+—x =9 x'=— suyra x ;
4 4 5 10 10




Mat khéc,

Ae(E)e 812+L2=1<:> 81 ~+ 0 =l 92+ 92=1c>c2=ﬂ.
104> 10b 10(3¢)” 10(a’—c?) 10¢*  80c 80
Suyraa2=9czzﬁvéb2=a2—czzﬁ.
80 10
. 2 y2
Vay Elip can tim c¢6 phuong trinh (E):729 +ﬁ:1'
80 10

d) Do dai truc 16n bing 4+/2 nén 2a =42 < a=22.
Céc dinh trén truc nho va cac tiéu diém cung thudc dudng tron nén b=c.

Tu hé thic o’ =b>+¢° < 8=2b" & b’ =4,
. x2 2
Vay Elip can tim ¢6 phuong trinh (E): §+y7 =1.

Vi du 7: Lap phuong trinh chinh tic cua Elip, biét

a) Elip c6 hai dinh trén truc nhé cting v6i hai tiéu diém tao thanh mét hinh vudng co dién tich
bang 32.

b) Elip c6 mot dinh va hai ti€u diém tao thanh mot tam giac déu va chu vi hinh chit nhat co s&

cta Elip bang 12(2+\/§).
¢) Elip di qua diém M (2\/5 ; 2) va M nhin hai tiéu diém cua Elip dudi mot goc vudng.
d) Elip di qua diém M [1;?} va tiéu diém nhin truc nho dudi mot goc 60°.

Loi giai

a) Hai dinh trén tryc nho va hai tiéu diém tao thanh mot hinh vuéng nén b=c.

Mit khac, dién tich hinh vudng bing 32 nén 2¢.2b =32 < b* =8.

Suyra a’ =b> +c”> =16. Vay Elip can tim c6 phuong trinh (E):f—6+— =1.
b) Chu vi hinh chit nhat co so

C=12(2+\3) = 2(2a+2b) =12(2+3) = a+b=3(2+3). (1)

Gia s tam gidc FFB, déu canh FF,=2c ma BOLFEF, suy ra

OB, :?F,F2 @bz?.ZCZx/gc. (2)

Tir (1) va (2), suyra a:3(2+\/§)—b:3(2+\/§)—\/§c.




Thay vao h¢ thirc a’ =b* +¢*, ta duge

2
[(6+3x/§)—\/§cJ =3cz+c2<:>cz+6x/§(2+\/§)c—(6+3x/§)2:0<:>c=3
hoiic ¢ =-123-21.

Véi c=3,suyra a=6 va b=3+/3. Vay Elip cin tim c6 phuong trinh (E):;C—6+E=l.

¢) Tur gia thiét, ta suy ra FMF, =90° hay MF, 1 MF,
& MF,MF, =0 (—c=243)(c-243)+4=0< ¢’ =16.
Hon nita (E) qua M nén

12 4 12 4

Tt =les 16+b—2:1<:>12b2+4b2+64:b4+16b2<:>b4:64<:>b2=8.
a +

2 2
Suyra a’ =b’ +¢* =24. Vay Elip can tim c6 phuong trinh (E):;—4+—=1 .

d) Tir gia thiét, ta suy ra E],FE =60° ma F B, =FB,. Suy ra tam giac F,B,B, déu canh
BB, =2b nén

Ve N

FO=="B5, <:>c=72bc>c=x/§b. (1)

NE) 1 3 1 3
Honnua (E) qua M| ;— |nén —+—=1l—+—=1<b>=1. (2
(E) qu ( 2 JERpTE TS (2)

Tir (1) va (2), két hop véi hé thie a® =b* +¢*, ta duge a’ =4.
. x2 2
Vay Elip can tim ¢6 phuong trinh (E) >y + yT =1.

Vi du 8: Lap phuong trinh chinh tic cuia Elip, biét
a) Elip c6 mot tiéu diém F, (—ﬁ ;o) va di qua diém M , biét tam giac F,MF, c6 dién tich bang
1 va vuong tai M .

b) Elip di qua ba dinh ciia tam giac déu ABC . Biét tam giac ABC c6 truc dbi xtmg la Oy,

4943

12

A(0;2) vacé dién tich bang

¢) Khi M thay ddi trén Elip thi d6 dai nhé nhat cia OM bang 4 va d6 dai 16n nhat coa MF,
bang 8 voi F, 1a tidu diém c6 hoanh d¢ 4m ciia Elip.

Loi giai




a) Elip co tiéu diém F (—\/5;0) ,suyra c= V3.
Goi M (x;y)e(E). Theo gia thiét, ta c6

1
Surur, =1~ MF.MF, =1

2

@%(a+ex)(a—ex):1<:>a2 —e’x* =24’ —c—z.x2 =2
a

2_2 2
@az—%.x2:2®x2=u. (1)

Cung tuv MF, L MF,, taco MFMF 0<:>( )(c x)+( y)(—y):O
eox’+y’=c=3.(2)

(¢-2) _o—at 42

Tu (1) va (2),taco y*> =3—x*=3- 3 = 3

Do do6

¥y a’-2 9-a*+24°
M(xy)e(E)e S+ =1o =1
(x;y)e(E) ot Tt 3(a2_3)

<:>(a2 —2)(a2 —3)+9—a“+2a2 =3a*-9<a>=4.

2 2
+ 2o,

Suy ra b* =1. Vay Elip can tim c6 phuong trinh (E) :% |

b) Tam gidc ABC déu, co diém A(O 2) € Oy va truc dbi xtmg 1a Oy nén hai diém B, C ddi
xtng nhau qua Oy .

Gia str B(x;y) voi x>0,y <2, suyra C(—x;y). Do dai canh clia tam giac 1a 2x.

Theo gia thiét, ta co

493 (2x)'V3 493

g - _ 7
ape = = = suyra x=—-=.

12 4 12’ 23

Puong cao ctua tam giac déu

2x\/7

h= \/_——<:>2 y—%@y—S

2

o5 73

Dén day bai toan tr& thanh viét phuong trinh Elip di qua hai diém 4(0;2) va B (L ; ij .

2372




Vay Elip can tim ¢6 phuong trinh (E):=-+=—=1.

¢) Do dai nho nhét cia OM bang 4 nén b=4.

Mt khac, ta lai c6 do dai 16n nhat cia MF, bang 8 nén a+c=8.

a+c=38 a+c=38 a=5
Ttr d6 ta c6 h¢ phuong trinh § = , suyra 3

¢) Bai tap tric nghiém

Cau 1:

Cau 2:

Caiu 3:

a=b"+c’ a’=16+c =
. xZ 2
Vay Elip can tim ¢6 phuong trinh (E):=— + 2 =1,
25 16
Phuong trinh chinh tic cia Elip 1a
2 2 2 2
AL B. = -2 -1
a b
x2 2 x2 yZ
g ?+b—2:1 (a>b>0) D. ?—b—zz—l
Loi giai
Chon' C
Phuong trinh chinh tic cia elip c6 tidu cu bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
ALY B. X .Y 1 c.X_Y 1 p. X+
25 9 100 81 25 16 25 16
Loi giai
Chon'D

v

Goi phuong trinh elip la = =+ o
a

Vi truc 16n bang 10 nén 2a=10=a=5.
Elip co tiéu cu bang 6 nén 2c=6=>c=3=+a’ b’ =3=>b=4.

2 2

A X .o X7y
Vay phuong trinh Elip la: —+-—=1.
dy phuong plar =+
Phuong trinh cta Elip (E) c6 d dai truc 16n bing 8, d¢ dai truc nho bang 6 la:
2 2 2 2

A. 9 +16)° =144.  B.9x*+16y°=1. C.+2L -1, p. XY _
9 16 64 36

Loi giai
Chon' A
. y?
Got —+——1; a>b
i (E): 54 2= (a>b)
Do daitruclonla: 44, =2a=8=a=4
Do daitrucnhd la: BB, =2b=6=b=3



Cau 4:

Caiu 5:

Cau 7:

2 2

Vay phuong trinh Elip 1a: (E)f_6+y7 =1 9x% +16)° =144

Cho (E ) ¢6 hinh chir nhat co so dién tich bang 8, chu vi bang 6 thi phwong trinh chinh tic

la:
x2 2 x2 2
A2 o B. L+ -1,
2 1 4 1
2 2 2 2
c. X oy, D. = +2X
2 16 4
Loi giai
Chon B
o |2a-2b=8 a=2 _ i o)
Ta co: = . Vay PTCT cua (E) la: —+=—=1.
2a+2b=6 b=1 4 1
Cho (E) c6 tiéu diém F(-4;0), F,(4;0), tim sai e= ? thi phuong trinh la:
A. 4x* +5y*=20. B. 16x° +25y> =400.
C. 9x* +25y*=225. D.9x*+16y* =144.
Loi gii
ChonC
Fl(—4;0) 2 2
, c=4 2 . , Xy
Ta co: 4 = =b*=25-16=9 VayPTCT cua (E) la: —+=—=1
e=— a=>5 25 9

2 2
XY o1 o 9x?+25)7 =225,
25 9

Trong mat phrfmg véi hé truc toa do Oxy, cho elip (E ) c6 dd dai truc 16n bﬁng 12 va do dai

truc bé bang 6. Phuong trinh nao sau day 1a phuong trinh ciia elip (E )

2 2 2 2 2 2 2 2

RPN Y B. 2 +2 -1, g.x—+y—:1. D. = +2 =0
144 36 9 36 36 9 144 36
Loi giai
Chon C
2 2
Phuong trinh chinh tic cua elip c6 dang (E) :x—er;;—2 =1 (a,b>0)
a
xZ yZ

Tacod a=6, b=3, vay phuong trinh cua Elip la: £+?:1.

. . | .
Tim phuong trinh chinh tac cta Elip c6 tam sai bang 3 va truc 16n bang 6.

2 2 2 2 2 2 2 2
A2 o, B. X 2 1 c. XX g D. -+ 2 o1,
9 3 9 8 9 5 6 5
Loi giai

Chon B

2 2
Phuong trinh chinh tic ctia Elip c6 dang x_2 +)b}—2 =1 (a>b>0).
a




.y L 1 C 1 N
Theo gia thiét: e=§:>—=—:>a:3c val2a=6<a=3=c=1
a

Khido: a’° =+ o3 =p+1 b =8<=b=2J2
2 2

Viy phuong trinh chinh tic cua Elip la: % + y? =1.

Cau 8: Phuong trinh Elip ¢6 truc 16n bang 245 va mot tiéu diém F (—1;0) la:
A. 4x* +5y* =20. B. 4x* +5y* =12. C.5x>+4y* =20 D. 5x*+4y° =12.
Loi giai
Chon' A
Taco: 2a=2+/5 < a=A/5.
b =d* =5 -1 =4.

2 2

Vay phuong trinh Elip ¢6 dang: x?+ y? =1<4x" +5y° =20.

Cau 9: Phuong trinh chinh tac cua (E ) c6 d6 dai truc Ion béng 8, truc nhé bﬁng 6 la

2 2 2 2 2 2

AT Y o, B. X+ 1. C.9x*+16y°=1. D.+2L 1.

64 36 9 16 16 9

Loi giai

Chon' B

o |2a=8 a=4
Ta co: = .

2b=6 b=3
, x2 2
Vay phuong trinh chinh tac cua (E) T %:
Cau 10:  Phuong trinh chinh tic cla (E) co tam sai ez%,dé dai truc nhoé béng 12 1a

2 2 2 2 2 2
A Y g B. -+ 1. c X RS p. 1+ 2

25 36 64 36 100 36 36 25

Loi giai
Chon'C
4 2 2 2 2 2

 le== Sc=4a [25¢* =16a 25(a’ —b*)=16a a=10

Ta co: 5 & bt Rt 5 = & bt
2b=12 - =6 b=6 -
2 y2

Vay phuong trinh cta ( £

yPp 8 ( ) 100 36

Cau 11:  Phuong trinh chinh tic cua (E ) c6 d0 dai truc 16n béng 6, tisb gitra tiéu cu va dg dai truc 1on

. 1
bang — 1a
£3




Cau 12:

Cau 13:

Cau 14:

Chon B

* Do d6 dai truc lé’nbéng6nén 2a=6 =a=3.

Lo . 1 2 1
*Dotységﬁatléucuvéd(}déltruclé’nbéng—nén—cziz—:a:3c:>c:1.
3 2a a 3
x2 2
*Tacé:b2:a2—02:9—1:8:>(E);?+y§:1_

Elip 6 hai dinh (=3;0); (3;0) va hai tiéu diém (~1;0) va (1;0) c6 phuong trinh chinh tic la

2 2 2 2 2 2 2 2
A Y g E.x—+y—:1. c. 242 . p. XY 1.
g8 9 9 8 9 4 9 2

Loi giai
Chon B
A1 as , |a= 2 2 2
Theodebaltaco{ 1:>b =q" —c =8.
c:
2 2
Yy -1

Vay phuong trinh chinh tic cia Elip da cho 1a % + 3

Phuong trinh chinh tdc cua (E ) c6 do dai truc 1on gép 2 1an d6 dai truc nho va tiéu cu béng

43 1a

x2 2 x2 2 x2 2 x2 2
A2 o, B. -+ 1. c. 2 +2X -, p. > +2 1.
36 9 36 24 24 6 16 4

Loi giai
Chon'D

* Do d6 dai truc 1on gép 2 1an d6 dai truc nho nén 2a =2.2b = a = 2b.

* Do tidu cy bang 443 nén 2c =43 = c=2./3.

2 2

* Ta co: b2:az—czc>b2:4b2—12:b=2:a=4:>(E):iC—6+yT:1.

2 2 2 2 2 2
A.%+y—:1 B. L 4+2 -1 c. 242 D

_ X
3 16 15 16 9 "9

Phuong trinh chinh tdc cta (E) c6 dudng chudn x+4 =0 va tiéu diem F(-1;0) 1a
2

+ 2o,

8

Loi giai

Chon'A




Cau 15:

Cau 16:

Cau 17:

2
a

* Do duong chuan 1a x+4 =0 < x =—4 nén Cota _4=a’=4c.
e c

* Do ¢6 tiéu diém F(-1;0) nén c=1=a=2, b’ =a’ -’ =3.
, xz 2
* Phuong trinh chinh tdc ciia (E) 1a (E):T+y?:1.

Phuong trinh chinh tdc cta (E) c6 tiéu cu bang 6 va di qua diém A(5;0) la

x2 2 x2 2 x2 2 x2 2
A X o, B. Y 1. c. 2 -1, p. > +X .
100~ 81 15 16 25 9 25 16

Loi giai
Chon'D

* Do (E) c6 tiéu cu bang 6 nén 2c¢=6 = ¢ =3.

* Do (E) di qua diém A(S;O) nén a=5=5b"=a’-c*=25-9=16.

2 2
* Phuong trinh chinh tic cta (E) la (E);C—5+i}—6 =1.

, 1
Elip c6 hai tiéu diém F (—1; 0) B (1; 0) va tam sai e = 3 c6 phuong trinh la

2 2 2 2 2 2 2 2
A2 o B.+X -1 o+l D. 4L —_
25 24 24 25 24 25 25 24

Loi gidi
Chon' A
2 2
Phuong trinh chinh tic cta (£) 1a %JrZ—Z =1 (a>b>0)

Tiéu diém F(-1;0)=c =1

Tam sai e=l <:>£=l<:>a=50=5
a

=b=a"-c*=25-1=24.

2 2
X

A Yy
Viy (E):—+=—=1.
4 ( ) 25 24
Trong hé truc toa d6 Oxy, mot elip c6 d6 dai truc 16n la 8, d6 dai truc bé 1a 6 thi c6 phuong

trinh chinh tic 1a.

2 2 2 2 2 2 2 2
Ao, B. 2 2 1. g.x—+y—:1. D. =+ 2 .
9 16 64 36 16 9 16 7

Loi giai
Chon'C

Podaitruclénla 8§ =2a=8<=a=4

bo daitrucnhdla 6 =>2b=6<b=3




Cau 18:

Cau 19:

2

Phuong trinh chinh tic ciia elip 1a x_z +
a

2
L et Lo

2 2
Cac dinh cua Elip (E) c6 phuong trinh %+g—2 —1; (a>b>0) tao thanh hinh thoi c6 mot

goc ¢ dinh 1a 60°, tiéu cu cta (E) 1a 8, thé thi a’ +b* =?

A. 16. B. 32. C. 64. D. 128.
Loi giai
Chon'D
A
.| .
I’/' s 0 \1
4\ Ic™]

Goi hinh thoi 1a 4BCD va A =60°.

Ticucyla 8 = a’-b> =64 (1).
Mait khac xét tam gidc 4OB vuong tai O c6 goc BAO =30° nén
\3 ‘ ‘
OB =0Atan30° < b =a.tan30° = Ta thay vao phuong trinh (1)
ta duoc %az =64 < a’=96=b"=32.Vay a’ +b* =128.
Trong mat phang toa do Oxy, cho Elip (E ) di qua diém M (0;3). Biét khoang cach 16n nhat

giira hai diém bt ki trén (E ) bang 8. Phuong trinh chinh tic cta Elip 1a

2 2 2 2 2 2 2 2

A2 o B. +2 -1 c. X o D. = +2 =1
9 16 16 9 9 64 64
Loi giai
Chon B

M(0;3)e(E)=b=3.

khoang cach 16n nhét giita hai diém bat ki trén (E ) bang 8 = a=4.

2 2
Phuong trinh chinh tic caa (E ) : f_6+? =1.




2 2

Cau 20: Trong mit phang véi hé truc toa 46 Oxy cho dudng elip (E): f_6+y?=l va hai diém

M (=5-1),N(-11). Diém K thay doi trén elip (E). Dién tich tam gidc MNK 16n nhét bang
A. 95 B.% C. 9. D. 18.

Clhignlc

+Taco
. MN =(4;2) = MN =25

1
.MN :x-2y+3=0 hay MN:y=§x+%

1

. SAKMN :E'MN’d(K’MN)
1 \2/?+3| x, =2y, +3| v6i K(x,:,)

= S,y 160 nhatkhi d (K, MN) 16n nhat.
+ Nhan thay (E) c6 hai tiép tuyén song song vi MN , goi A, B 14 hai tiép diém twong ing. Khi
d6 d (K, MN) 1én nhatkhi K = B..

+ Ma tiép tuyén tai K(xo;ya) c6 phuong trinh la: XX | Yob hay y =— >, x+i.
16 5 l6y, y,
+ Tu do ta co:
=S5x, 1 5
= — y =——X
16 2 o ?
Yo = 8 :>K(§;—§j S =9
8 33
% Yoy |x =42
16 5 3

2 2

Cau2l: Choelip (E ):f—6+% =1. Xét cac diém M, N lan luot thudc cac tia Ox, Oy sao cho dudng
thang MN tiép xuc voi (E ) Hoi do dai ngén nhat cia MN 1a bao nhiéu?
A. 6. B.7. C.8. D. 9.
Loi giai
Chon B

Goi M (m;0), N(0;n) véi m,n>0=> MN> =m* +n’. Dudng thing MmNy Yo,
m n




Cach 1: Dung diéu kién tiép tuyén cia elip chinh tic

2 2

+) Elip chinh tic (E): x__'_y? =1 va dwong thang A: Ax+ By +C =0 tiép xiic véi nhau khi va
a

chikhi a*A>+b*B* =C".

+) Phuong trinh tiép tuyén cua elip chinh tdic tai M (x,;,) la: x—‘;x+i—‘z’y =1.
a
y , 16 9 ’
MN ti€p xtc véi (E) < —+—=1.Tacd 12—162 +%2 (42+3)2
m- n m- n° m +n

=>m'+n’>249=MN_ =7.

Cach 2: Dung diéu kién tiép xic

Puong thang MN:1+Z=1:>y=—£x+n tiép xuc voi elip khi va chi khi phuwong trinh
m n m
( 2
2 x+n} 2 2 2
ram o J c6 nghiém kép < L+n—2 x2—2n x+l1=0 c6 nghi¢m kép
16 9 16 9m 9m 9
2 2 2
SA'= nz—n—+l:0©n2: 3m :
9m® 144 6 m-—16
2 4 2 2 Q)2
Khi d6 MN:\/m2+n2=\/m2+ om =\/’" 6m +784+49=\/(’"2—28)+49z7.
m°—16 m°—16 m°-—16

Nhén xét: Ca 2 cach 1am trén hién tai khong c6 trong chuong trinh phd thong, nguoi ra bai
toan nay khong nam dugc chuong trinh moi.

3. Dang 3 : Cac bai toan lién quan dén ban kinh qua tiéu cia elip

2

2
X .
—+ =1véi b’ =a’-c".

a) Phuong phép: Cho Elip ¢6 phuong trinh chinh tic: (E):

Q
S

o M (x;y) € (E) .Khi 46 MF, = a +ex : ban kinh qua tiéu diém trai.
MF, = a—ex : ban kinh qua tiéu diém phai.

b) Vi du minh hoa:

2 2

Vi du 1 : a) Trong mit phang v6i hé toa dd Oxy, cho Elip (E): ;_5+i}_6 =1. Goi F,, F, 1a hai tiéu diém
ctia Elip; A, B 1a hai diém thugc (E) sao cho AF,+BF, =8. Tinh AF, + BF,.

2 2

b) Trong mit phang véi hé toa d6 Oxy, cho Elip (E): % + y? =1. Goi F,, F, 1a hai tiéu diém

ctia Elip trong d6 F, c6 hoanh d¢ 4m. Tim toa d diém M thudc (E) sao cho MF, =2MF,.




2 2

¢) Trong mit phing véi hé toa dd Oxy, cho Elip (E):%+y7=l. Goi F,, F, 1 hai tiéu diém

cta Elip trong d6 F, c6 hoanh do am. Tim toa d diém M thudc (E) sao cho MF,—MF, =2.
Loi gidi

a)Tacod a’=25=a=5.Do 4, Be(E) nén

AF, + AF, =2a =10 va BF +BF, =2a=10.

Suy ra AF, + AF, + BF, + BF, =20 <> 8+ AF, + BF, =20 < AF, + BF, =12.

b)Tacd a>=9=>a=3vab>=5=b=+/5.Suyra > =a*-b*=4=c=2.

Goi M(x;y)e(E). Ta CC')ME:2MF2<:>a+ex=2(a—ex)<:>x=3i:;l—=%. Thay vao
e 3c
2
(E), ta duoc i+y—:1<:>y2:1—5<:>y:iﬁ.
49 5 4 2

Vay M 2;—£ hodac M é,ﬁ .
272 22
¢)Taco a*>=8=a=232 vab’=4=b=2.Suyra > =a*-b*=4=c¢=2.

Goi M (x;y)e(E). Ta co MF]—MFZ:2<:>a+ex—(a—ex)=2<:>x:l:£:—=
c

Q
[\

2

Thay vao (E), ta dugc §+y7:1<:>y2 =3 yp=13.

Vay M(\E;—\/g) hodc M(\/E;\/g).

2 2
Vi dy 2: a) Trong mit phang véi hé toa d6 Oxy, cho Elip (E): %-'_yT =1. Tim nhiing diém M thudc
(E) sao cho n6 nhin hai tiéu diém cua (E) duéi mot géc vudng.

2

b) Trong mit phing v&i hé toa dd Oxy, cho Elip (E ):xj_'_ y* =1 voi hai tiéu diém F,, F,.

Tim toa d diém M thudc (E) sao cho goc FMF, = 60°.

xZ 2
r LY
100

Tim toa d6 diém M thudc (E) sao cho goc FMF, =120".

¢) Trong mat phang v&i hé toa dd Oxy, cho Elip (E): =1 v6i hai tiéu diém F,, F,.

2 2

d) Trong mit phing vé&i hé toa do Oxy, cho Elip (E ):%+% =1 v6i hai tiéu diém F, F,

trong d6 F; c¢6 hoanh d¢ am. Tim toa 4o diém M thudc (E ) sao cho goc Z\YE\F2 =120°.

Loi giai




a)Tacod a°=9=a=3vab’=1=b=1.Suyra > =a*-b*=2=c=22.
Goi M (x;y)e(E). Taco FMF, =90° nén FF,’ = MF? + MF)’

o4’ = (a +ex)2 +(a —ex)2 < 32=24%+2%X7

63 63 N
2J_

<:>32—18+2§x S x

Thay vao (E), ta duoc y —%c}y t—

2f'

(3T W71 W71, W71
e M[zf 2f] M[ﬁ’_ﬁ]’M[ 22 2fjh M(_ﬁ’ 2\5]'

b)Tacd > =4=>a=2va b’ =1=b=1.Suyra c’ =a’—b*=3=c=+3.

Goi M (x;y)e(E). Tacé FF,> = MF; + MF,” —2MF,.MF,.cos 60°

<4t :(a+ex)2 +(a—ex)2 —2(a+ex)(a—ex)%<:> 12=2a% +2e*x* —a* + &*x*

, 12-4* 32 42
S X = 5 =S x=t+t——,
3e 9 3

Thay vao (E), ta duoc ;—i+y2 =ley? :é@y:i%.

vay m| 2] (A2 1) A2 e a2,
el Y e B T Y B (s 37 3)

¢)Tacd a>=100=>a=10 va b*=25=b=5.Suyra ¢’ =a’*-b*=75=c=5V3.

Goi M (x;y)e(E). Tacé FF, = MF + MF,” —2MF,.MF, cos120°

<4t = (a+ex)2 +(a—e)c)2 —2(a+ex)(a—ex)(—%} <300=2a" +2*x* +a* —e*x?
<300=3a>+e’x* ©300=300+¢e’x> = x* =0 x=0.

2

Thay vao (E), ta duoc I()LO+y__l<:>y =25& y=45.

25
Vay M (0;5) hodc M (0;-5).
d)Tacd a*=25=a=5vab’=9=b=3.Suyrac’=a’-b*=16=>c=4.

Goi M (x;y)e(E). Tacd MF,” = MF; + F,F,” —2MF,.F,F, cos120°




© (a—ex) =(a+ex) +4c’-2(a +ex)2c(—%)

<:>4aex+402+2ac+2€cx:0<:>x=—f—j.
Thay vao (E), ta duoc y* =E© =i£.
196 14
Vay M _é;_%/g hodac M —ﬁ;——9\/§ .
14" 14 14 14

2 2

Y

Vi du 3: a) Trong mit phang v&i hé toa dd Oxy, cho Elip (E): x?+— =1 va diém C(Z;O) . Tim toa do

1

cac diém A, B thudc (E ) , biét réng A, B dbi xng v&i nhau qua truc hoanh va tam gidc ABC 1a tam

giac deu.

2 2

b) Trong mat phrfmg voi1 hé toa do Oxy, cho Elip (E ) : %erT =1. Tim toa d6 cac diém A4 va

B thuoc (E ) c6 hoanh d§ duong sao cho tam giac OAB can tai O va co6 dién tich 16n nhét.

2 2

¢) Trong mit phang véi hé toa dd Oxy, cho Elip (E) :%+yT =1 va diém A(3; 0). Tim toa do

cac diém B, C thudc (E ) sao cho tam gidc ABC vudng cantai A, biét B ¢ tung d6 duong.
Loi giai

a)acd @’ =4=a=2vab =1=b=1.Suyra ¢’ =a’—b*=3=c=+3.

Gia su A(x;y) suy ra B(x; —y) . Theo gia thiét, tam giac ABC déu

AC* = 4B’ & (2-x) +y’ =4y’ & (2-x) =3y . (1)

2 2

Hon nita Ae(E)©%+yT:l<:>x2+4y2=4. (2)

Tir (1) va (2),taco

(2-x) =3y 2—1—£ x=2 x=2 x=2
{2 ) & 4 4 <:>{ _ hoac 7 hoac 7 )
X +4y =4 76 —16x+4=0 yoH3 po 3
7 7
2 43 2 43 2 43 2 43
Vi 4, B khac C nén A[?TJ’ 8(7;_Tj hodc A(7;_Tj va B(?T .

b) Do tam gidc OAB cantai O va A, B déu c6 hoanh d6 duong nén A, B dbi xtmg nhau
qua Ox .




Vi du 4:

B(-11).

Gia st A(x;) véi x>0, suyra B(x;—y). Goi H 1a hinh chiéu cia O 1én AB . Khi do ta
co

1 1
=—AB.OH =—|2 = .
S > 0] 2| y|x x|y|

AOAB

. s <, X
Ap dung bat ding thitc Cauchy , ta co 1:T+y 22'§'|y|:x|y|'

2
’ S <1 A_nm_n 2 LR 2 Te x_: 2
Do d6 9,93 =1. Dau "=" xay ra khi va chi khi: 4 V.

2 2
Thay vao (E), ta dugc %+yT=l<:>y2+y2 =ley' =

Suyra x> =2=x=+/2.

Vay A(ﬁ;%) va B(ﬁ;—%) hoic A(\E;—Lj va B(\E;Lj.

¢) Goi B(x;y) voi x>0.
Do tam gidc ABC vudngcantai A, suyra B va C dbi xang nhau qua Ox nén C(x; —y).

Tacd AB L AC < ABAC=0(x-3) —»*=0. (I)

2 2
Hon nita, BE(E)©%+)}T=1. (2)

Tir (1) va (2), taco

2 2 1
(x=3)'=y*=0 [y =1-— yi=1-2- _3 =5
52 yz = ? 5 =4 10 9 <:>{ 0 hodc 3
Z 42 2 X 2 Y= _

-3V —1+42—=0 —x'—6x+8=0 =t—
9 1 (x=3) ~1+5 5 y=*3
12 3 12 3
Vi 4, B khac C nén B(—;—j, C(—;——).
5°5 55

2 2
, x .
a) Trong mat phang v4i hé toa d0 Oxy, cho Elip (E)ZE-I-%:l va hai diém A(—S;—l),

Xéc dinh toa d6 diém M thudc (E ) sao cho dién tich tam giac MAB 16n nhét.

2 2
, X ,
b) Trong mat phang v4i hé toa dd Oxy, cho Elip (E) : §+ y? =1 va hai diém A(3;4) , B(5;3).

Tim trén (E ) diém C sao cho tam gidc ABC c6 dién tich bang 4,5.




2 2
, X .
¢) Trong mat phing v6i hé toa do Oxy, cho Elip (E )1—2 +—y1 =1. Tim trén (E) nhing diém

sao cho khoang cach tir diém d6 dén duong thang o : 2x—3y +1=0 13 16n nhat.
Loi giai

2 2
X ’
a) Goi M(x;y)E(E) nén E-l_y?:l' Phuong trinh duong thang 4B:x—-2y+3=0.

Ta co

Sz :%AB-d(M,AB)Z%-Z\/gw=|x—2y+3 .

NG

Ap dung bét dang thirc Bunhiacopxki , ta duoc

(x—2y) = (4.%—2@%}2 < {fo +(%ﬂ[42 +(2J§)2} = [%+y?2].36 =1.36=36.

Suy ra |x—2y|£6 nén |x—2y+3|£9.

1 L8
DAu "=" xay ra khi va chi khi: 4-_ 5 ol 3
4 25 e
x—2y+3=9 I 3

A 8. 5 s
Vay M 5;—5 thoa yéu cau bai toan.

b) Goi C(x;y)e(E) & —+—=1_(1)
Phuong trinh dudng thing 4B :x+2y—-11=0.Taco

2y-11
SAABC =%ABd(C,AB)=4,5<:>%\/§M:4,5© x+2y_11 =9

J5

{x+2y—11=9 (2)
= .
x+2y-11=-9"(3)

x+2y-11=9 x=20-2y

T (1) va (2) ta c6 x* y? = (2()_2),)2 2 @{x:20—2y : Vo
’ | Y o1 27 =20y+100=0
8 2 8 -2
nghiém.
x+2y-11=-9  [x=2-2y x=1-+3 x=1+3
T (l)vé (3),tacc') x_2+y_2_1 & (2_2y)2 y2_1<:> 1++/3 hodc -3
g8 2 s -2 Ut YT




Vidu5:

1(-10).

Vay C[l—x/g;Hz\/g] hoic C(H\/g;%].

2 2

c) G(_)i M(x;y)e(E)©%+yT:1<:>x2+2y2 :2_ Ta cod

Ap dung bt dang thirc Bunhiacopxki , ta ¢O

(2x-3y) =(2.x—%.\/§y]2 < |:x2 +(\/5y)2}(4+%j = 2.%: 17.

J2
Suy ra |2x—3y|£x/ﬁ nén |2x—3y+1|£\/ﬁ+1_
x_Vy A
Déu "=" xay ra khi va chi khi: { > \E o \/1—73

y=-——
2x=3y=+17 17

@kwp 3)
I3

Vay d(M,d) 16n nhét bing

NN,

2
) x ,
a) Trong mat phang véi hé toa d0 Oxy, cho Elip (E)1?+y721 va cac diém A(—3;0),

Tim toa do cac diém B, C thudc (E ) sao cho [ la tim duong tron ngoai tiép tam gidc ABC.

2 2
. X .
b) Trong mat phang voi hé toa dd Oxy, cho Elip (E ) P +% =1 ¢6 hai tiéu diém F;, F,. Tim

25
toa do diém M thudc (E ) sao cho ban kinh duong tron ndi tiép tam giac MEF, bang % .
2 2

, X ,
c¢) Trong mat phang vdi hé toa d§ Oxy, cho Elip (E ) : 2—5 +% =1 ¢6 hai tiéu diém F|, F,. Tim

. — . 48
toa do diém M thudc (E ) sao cho duong phén giac trong goc FMF, di qua diém N [_E;Oj

Loi giai
a) Phuong trinh duong tron ngoai tiép tam gidc ABC ¢ tam [ (—1; 0) ,bankinh R=14=2 la:
(C):()H—l)2 +y’ =4.

Theo gia thiét, ta co B,Ce(E)N(C) nén toa do diém B,C 1a nghiém cia hé




Yo 4% +9y* =36 4%° +97 =36 43 +9)° =36
9 4 = 5 , = 5 R = ,
(x+1)2+y2—4 9(x+1)"+9y* =36 9(x+1) —4x*=0 5x°+18x+9=0
3 3
x=-3 X=-7 X=-7
<:>{ hodc hodc .
y= 4o __4e
TS -5
vav Bl 3. 4w [ 3.46 g 3406 [ 3 46
a T T |, T oac Ty || T T T |-
VP s 575 575 575

b)Tacd a>=25=>a=5 va b =9=b=3. Suyra ¢ =a’-b*=16=>c=4.
Hai tiéu diém cua Elip la: F} (—4;0) va F,(40).
Goi M (x;y)€(E). Taco Sy, = DT

MF, + MF, + FF, |
: .

& FEd(M.FE)-
1 4 4
<:>E.2c.|y|=(a+c).§<:>4|y|=9.§<:>|y|:3<:>y=i3.

2
x 9
Thay vao phuong trinh (E), ta dugc 2—5+§=1<3X=0.

Vay M (0;3) hoac M (0;-3).

c)Tacod a*=25=a=5 va b =9=h=3. Suyra ¢ =a>-b*=16=c=4.
Hai tiéu diém cua Elip la: F} (—4;0) va F,(4:0).

Goi M (x; y) € (E ) Theo gia thiét MN 1a phan giac trong ciia m , suy ra

FlN_F1M© 52 a+tex
EN FM 148 a-ex

<:>12a+25€x=0<:>12.5+25%x=0<:>x=—3_

2
12
Thay vao phuong trinh (E),ta duoc —+y—=1<:>y:i—,

259 5
12 12
Vay M(—?);—) hoac M(—?ﬁ;——j.
5 5
¢) Bai tap tric nghiém :

Cau 1: Cho Elip (E): §+3§ —1.Véi M 1a diém bt ki ndm trén (E) , khéng dinh nao sau day la

khang dinh dung?




Cau 2:

Caiu 3:

Cau 4:

A. 4<0OM <5. B. OM >5. C. OM <3. D. 3<0M <4.
Loi giai
Chon D.

2

2
Tu(E): f—6+%:1,suyra a=4,b=3.

Vi mot diém bat ki trén (E), taludn co b<OM <a=3<OM <4.

B

Elip di qua diém M (l; ——] va c6 tidu cu bang 23 thi o6 phuong trinh chinh tic la:

2
x2 y2 x2 y2 x2 y2 x2 yZ
A —+—=1 B. —+—=1. C. —+—=1. D. —+==1.
4 3 - 4 1 3 1 4 1
4
Loi giai
Chon B.
Gia su (E) c6 PTCT la: x—2+z—2=1 (a>b>0).
a2 2
M 1;—£ e(E) |L,3 _ [|da=4 Xy
Ta co: 2 =y 4yt =9, | VayPTCTcia (E) 1a: VR
2c=2\3 @ -b" =3 B
Cho Elip (E):%+%=l va diém M nam trén(E). Néu diém M c6 hoanh d6 bang —13
thi cac khoang cach tir M ti 2 tiéu diém cua (E )béng:
A. 8 18. B. 13£4/5. C. 10;16. . 13410,

Loi giai
Chon' A
Tacé a=13, b=12=c=5
Viay ME:a+§xM =8 MF, =a—§xM =18

Cho Elip c6 phuong trinh 16x” + 25}’2 =100. Tinh tong khoang cach tir diém thudc elip c6

hoanh d6 x =2 dén hai tiéu diém.

A. 10. B. 2\/5, C.5. D. 413,
Loi giai

Chon C

2

’ . , 2
Phuong trinh chinh tac cta elip ¢6 dang (£): X_Z+Z_2 =1 (a,b>0)-
a

Tacod: a:%, b=2, C=\/g.

Str dung cong thirc ban kinh qua ti€u




Ciu 5:

Ciu 6:

Cau 7:

i =3 6 e 5, 46
2 5 2 5
MF, + MF, =5,

Cich 2: d& thay MF, + MF, =2a=3.

Cho Elip (E):;—;+%2=1- Puong thing (d):x:—4 cit (E) tai hai diém s, N . Khi d6:

A MN =2 B. un =18 c. un =18 D. MN =

2
25 25 = 5 5
Loi giai
Chon'C
Theo gia thiét: x = —4 nén ta c6 phuong trinh:
(4,0 o2 y=§oul-s5)
+y_:1®y_:_©y2 81

25 9 9 25 BTN 9 9
y=—§:> N[—4;—§j

o » (9 9Y 18

Khi d6: MN = \/(—4+4) +(§+§j =<

Cho Elip c6 phuong trinh: §+y72 —1. M 1a diém thuoc (E) sao cho MF, =MF, . Khi d6
toa do diém M la:
A. M (0;1), M, (0;-1). B. M(0;2), M,(0;-2).
C. M,(-4;0),M,(4,0). p. M,(0;4),M,(0;-4).

Loi giai

Chon B
Phuong trinh chinh tac cua elip c6 dang (E): ;C_z+z_z =1 (a,b>0).
Nén a=4; b=2
Vi MF, = MF, nén M thudc dudng trung tryc ciia FF, chinh 14 truc Oy
M 1a diém thudc (E ) nén M 1a giao diém cua elip va truc Oy
vay M,(0;2), M,(0;-2).

Day cung cua Elip (E): z_z+y_j =1(0<b<a). vuong goéc voi tryc lon tai tiéu diém co do dai

la

2 2 2 2
A 2 B. 20 C. 24 D. 4.
a a C C

Loi giai

Chon B




Goi day cung d6 1a M\M, nhu hinh v&.

o ) 2 2 2 2
Gia sir Ml(C=J7)(y>O),Mle(E)2%+Z—2=l :>y2=b2-aazc =72y=b7

b2 2 2
Khi do, M, [c;;j, M, [c;—”—] - MM, =2

a a
Ciu8: Cho (E): %Jézl va diém M thuoc (E). Khi d6 d6 dai OM théa min
A. OM <3 B. 3<OM <4. C. 4<OM <5. D. OM >5.

Loi giai

Chon B
Vi M(x;y)€(E) nén §+3§:1 va OM =[x +)" .

2 2 2 2 2 2 2 2
Ta cb f_6+i’_6gf_6+%g%+%@OI_AZSISOTM@%oMsm S3<OM<4.

Cau9:  Cho (E);;C_;Jé:l- Puong thing d:x =4 cit (E) tai hai diém M, N . Khi 6, do dai

doan MN bang

A2 B. 2. c 8 p. 18
5 25 5 25
Loi giai
Chon'C
Thay x = —4 vao phuong trinh duong elip ta dugc: E+3’_2 —ley= ig .
25 9 5

\ 9 9
Toa d6 hai giao diém la M(—4; gj,N[—4;—§j )

Do do, MN:§.

Cau 10:  Duong thing y = ko cit (E): X+ 2 _| tai hai diém M, N phan bit. Khi do M, N

a’> b
A. Pbi xtmg nhau qua 0(0; 0) ) B. Ddi xtmg nhau qua Oy .
C. béi xtng nhau qua Ox . D. Béi xtrng nhau qua I(O;l) )
Léi gidi
Chon' A

Puong thang y = kx di qua O(O;O)Vé (E) nhan gbc toa do 1am tdm ddi xtmg. Do d6 khi
duong thing y = kx cit (E) tai M, N phanbiétthi M, N d6i xtmg nhau qua O(0;0).




Cau 11:

Cau 12:

Cau 13:

Cho elip (E)x_2+y_2 —1 vadiém M thuoc (E) c6 hoanh d6 X, = -13. Khoang cach tir
169 144
M dén hai tidu diém cta () lan luot 1a
A. 10 va 6. B. 8 va 18. C. 13 va 15, D. 13 va 10
Loi giai
Chon B

=1 0= M(~13:0
Ta co ME(E):U’M— = (_ ’)-

Tacd a®> =169; b* =144 = > =25=c=5.

Céc tiéu diém cua (E) 1a F (=5;0), F,(50), suyra MF, =8, MF, =18,

Cho elip (E);;—;+£:1, voi tieu diém F,F,. Ldy hai didm A4 Be(E) sao cho
AF, + BF, =8. Khi do, AF, + BF, =7
A. 6. B. 8. C.12. D. 10.
Loi giai

ChigniC
Do (E):;—;+£=l:>a2=25:>a=5.
Do Ae(E)& AF +AF,=2a=10.
Do Be(E)& BE+BF,=2a=10.
= (AF, + BE)+(AF,+ BF,) =20 < 8+(AF, +BF,)=20< AF, +BF, =12,
Cho elip (E):;—;+y?2:1. Tim toa do diém A < (E) sao cho M nhin F,F, dusi mot goc
vuong:
A. (-5;0). B. (4;—2} C. (0;4). D. (ﬂgJ

5 4 4

Loi giai

Chon D

M(x,;;¥,) nhin F,F, duéi mot goc vudng khi va chi khi OM = OF,
y2

2
Do (E):;—5+?=1:>a2=25;b2=9:>02=25—9:16:>c:4.

Dé OM = OF, = \x2, +y2, =4 < x2 + )2, =16.

2 2
Mit khic Me(E):’;—f‘g+%M:1@9xj4 1+25)7, =225




Cau 14:

Cau 15:

2 2 X
A | Xy, =16 M6 M 4
Ta c6 hé: 0. . = . =
Xy +25y, =225 | o _

Trong mat phang toa do Oxy cho (E)§+y?2 —1 va hai diém A(—S;—l), B(—l;l). biém M
bét ki thude (E ) , dién tich 16n nhét cua tam giac MAB 1a:
A 18. B.9. c. 9V2 D. 42.
2
Loi giai
Chon B
Ta co: AB =(4:2), AB:Z\/E_
Phuong trinh duong thang A diqua A, B: x—2y+3=0.

M(4cosgp;\/§sin(p)e(E)(OS(pS27z).

_ % AB.d(M,A). Dién tich 16n nht khi va chi khi d(M,A)16n nhét.

SAMAB
‘4cos¢—2\/§sin(o+3‘ ‘4cos¢—2\/§singp‘+3
Ta co: d(M,A) = \/g < \/g
2(-205) +3 .
<d(M,A)< =—. Vay SAMAB:EAB.d(M,A)=9.

J5 J5

Trong mat phéng voi hé toa d Oxy, cho elip (E ): X+ 4y2 -4 =0. Tim tit ca nhirng diém

N trén elip (E) sao cho: Fﬁ\/?z =60° (F1, F2 14 hai tiéu diém cua elip (E))

A N[ﬂ;)] hoiie N(_g;g hoiie N%_ﬂ hoiie N@;A)

3 3
B v -2 pose w21 hose W[ H2.1)

3 3 °3 3
oo v o2 e W[ A2 e W[ $2.1)

3 3 3
b v -2 1) e w221

3 3 3

Loi giai

Chon A

2
(E):%+y2=1:>a2:4,b2=1<:>02:3:>c=\/§.




Cau 16:

x02+4y§ =4

e Ve

Goi N(x,;y,)€(E)=1NF, =2+7x0; NF, :Z—Txo. Xét tam giac F|NF, theo h¢ thuc

FF, =23

luong trong tam giac ta co: (EF2 )2 = NFE’ + NF, —2NF,NF,c0s60" <>

2 2
(B 5 B, B
@(2\/5) :(24‘7)60} +£2—7X0\] —(24'7)('0] 2—7)(:0
a2 o]
0~ T 5 0~ 45
<:>12=8+2x§—[4—§x§j<:>2x§:8<:>x§=£© 3 :>y§—1<:> 3.
2 4 4 9 M2 9 _1
T3 Y73
Vay c6 tat ca 4 diém thoa
N —ﬂ;—l hoiac N —ﬂ;l hoiac N ﬂ;—l hoac N ﬂ,l .
3 3 3 3 3 3 3 3

Céc hanh tinh va cac sao choi khi chuyén dong xung quanh mit troi co quy dao 1a mot duong
elip trong d6 tam mat troi 1a mot tiéu diém. Diém gr:fm mit troi nhat goi la diém can nhdt, diém
xa mat troi nhat goi 13 diém vién nhdt. Trai dat chuyén dong xung quanh mat troi theo quy dao
12 mot dudng elip c6 do dai nta truc 16n bang 93.000.000 dim. Ti sé khoang cach giira diém

A A \ + R X A A - SRR 59 ’ 5 ’ <\ I8 A A - \e .
can nhat va di€m vién nhat dén mat troi la o Tinh khodng cach tur trai dat dén mat tro1 khi

trai dat & diém can nhat. Ly gia tri gan dung.

Trai dat

A. Xép xi 91.455.000 dam.
C. Xap xi 91.450.000 dam.

B. Xép xi 91.000.000 dim.
D. Xp xi 91.550.000 dam.

Loi giai
Chon C
Ta ¢6 a = 93.000.000
va 47232 L 6la—6lc =594 1 59¢ e ¢ = & = 23:000.000 4 s 500
at+c 61 60 60

Suy ra khoang cach tr trai d4t dén mat troi khi trai dat ¢ diém can nhat 1a: 91.450.000




Cau 17:  Ong Hoang c6 mot manh vuon hinh elip c6 chidu dai truc 16n va truc nho 1an luot 13 60m va
30m. Ong chia thanh hai nira bang mét duong tron
tiép xuc trong voi elip dé 1am muc dich st dung
khac nhau. Ntra bén trong duong tron dng trong cay
lau ndm, nira bén ngoai dudng tron dng trong hoa
mau. Tinh ti s6 dién tich T giita phan trdng cay lau
nam so voi dién tich tréng hoa mau. Biét dién tich
elip dugc tinh theo cong thirc S =rzab trong do

a,blan luot 1a do dai nira truc 16n va nira truc bé

cta elip. Biét d0 rong cta duong elip khong dang

ké.
AT=2 B.T=I. c.r=1 D.T=3
3 = 2 2
Loi giai
Chon'B

Dién tich hinh tron: S, = 7.15°, dién tichelip la S, = 7.15.30.

2
Tisédientich T=—r = 715 _ 15 _y
S,-S, m1530-715° 30-15




CHUYEN PE: PHUONG PHAP TQA PO TRONG MAT PHANG
BAI PHUONG TRiNH PUONG ELIP
I-LY THUYET

1)Pinh nghia: Cho hai diém c6 dinh F, F, vé1 FF, = 2c(c > O) va hing s6 a > c. Elip (E) 1a tap hop
cac diém M thoa man MF, + MF, =2a.

Hinh 3.3
Céc diém F,, F, 1a tiéu diém cua (E). Khodng cich FF, =2c la tiéu cu ctia (E). MF,, MF, duoc goi
la ban kinh qua tiéu.
2) Phuwong trinh chinh tic ciia elip:
Véi F(-¢;0), F,(c;0):
x2 y2
M(x;y)e(E) <:>—2+b—2=1 (1) trong d6 b* =a’ —¢*
a
(1) dugc goi la phuong trinh chinh tic cua (E).
3) Hinh dang va tinh chit ciia elip:
Elip ¢6 phuong trinh (1) nhéan cac truc toa do 1a truc ddi xing va gdc toa do 1am tam ddi xing.
+ Tiéu diém: Tiéu diém trai F(—c;0), tiéu diém phai F, (c;0)
+Céac dinh : 4 (-a;0), 4,(a;0), B,(0;-b), B,(0;b)
+ Truclén: 44, =2a, nam trén truc Ox; truc nho : BB, =2b, nam trén truc Oy.

+ Hinh chit nhat tao bdi cac dudng thing x =+a, y =+b goi 13 hinh chit nhdt co so.

. ) c
+Tamsai: e=—<1
a

+ Bén kinh qua tiéu diém ciia diém M (x,;;y,, ) thudc (E) 1a:
c c
MF, =a+ex,, =a+—x,,, MF, =a—ex,, =a——Xx,,
a

I1 - DANG TOAN
1. Dang 1: Xéc dinh do dai cac truc khi cho san phuong trinh elip.
a) Phwong phap giai ty luan.

2 2

Tir phuong trinh chinh tic cua (E) < =+ Y 1 ta co thé xac dinh duoc:

2 2
a b

+Céac dinh : 4 (-a;0), 4,(a;0), B,(0;-b), B,(0;b)



+ Truc 16n : 4, 4, =2a, truc nho : BB, = 2b.

2 2

Vi du: Cho elip c6 phuong trinh: % + yz = 1. Khi d6 6 dai truc 16n, truc nhé 1an luot 1a.
A. 9;4. B. 6;4. C. 3;2. D. 4;6.
Loi gidi

|a*=9 a=3
Ta co: =
b =4 b=2

-Truc 16n: 44, =2a=23=6

- Trucnho: BB, =2b=22=4

Chon B

b) Phwong phap giai tric nghiém, casio.

2. Dang 2: Xac dinh toa do cac tiéu diém khi cho sin phuong trinh elip.
a) Phuwong phap giai tu luan.

2
Tir phuong trinh chinh tic cua (E) < —2 + y_2 =1 ta c6 thé xac dinh duoc:
a

+Céac dinh : 4 (-a;0), 4,(a;0), B,(0;-b), B,(0;b)
+ Tiéu diém: Tiéu diém tréi F,(—c;0), tiéu diem phdi F, (c;0) véi b* =a® —¢’

2 2

Vi du: Cho elip c6 phuong trinh: f_(j + % = 1. Khi d6 toa do tiéu diém cua elip la.

F(—7:0), £, (N7:0) B. F(-16;0), F, (16;0)

C. F(-9:0), F,(9;0) D. F,(—4;0), F,(40)
Loi gidi

2 _
Ta co: {a _16<:>{ =Ja*-b* =7

b = b=3"

- Tieu diém la: £ (—7:0), £, (J7;0)
Chon A
b) Phwong phap giai tric nghié¢m, casio.

3. Dang 3: Xéc dinh toa do cac tiéu diém khi cho sin phuong trinh elip.
a) Phwong phap giai tu luan.
2

Tir phuong trinh chinh tic cua (E) PN y

b_2 =1 ta c6 thé x4c dinh duoc:

+Céc dinh : 4, (-a;0), 4, (a;0), B,(0;=b), B, (0;b)

2 2

Vi du 1: Cho elip ¢6 phuong trinh: % + yT — 1. Khi d6 toa d6 hai dinh trén truc 16n cia elip la.
A. 4,(-1;0), 4,(1;0) B. 4 (0;—1), 4, (0;1)
C. 4,(2;0), 4,(-10) D. 4,(-2;0), 4,(2;0)

Loi giai



Tacod: a’=d4<=a=2
- Hai dinh trén tryc 16n la: 4, (-2;0), 4,(2;0)

Chon D
2 2
Vi du 2: Cho elip c6 phuong trinh: % + yZ = 1. Khi d6 toa d6 hai dinh trén truc nho cua elip 1a.
A. B, (—2;0), BZ(Z;O) B. B, (3;0), Bz(2;0)
C. B, (—3;0), B, (—2;0) D. B, (—3;0), B, (3;0)
Loi gidi

Tacd: b*=4<b=2

- Hai dinh trén tryc 16n la: B, (-2;0), B,(2;0)
Chon A

b) Phwong phap giai tric nghiém, casio.

4. Dang 4: Lap phuong trinh chinh tic cua elip khi biét d6 dai truc 16n va tryc nho.
a) Phuwong phap giai tu luan.
+ Tryc 16n : 4 4, =2a, truc nho : BB, = 2b. Ta xac dinh duoc a, b.

Y ~1.

+ Viét phuong trinh ehp —+ o
a’

Vi dy: Trong mit phang voi hé truc toa d Oxy, cho elip (E) cé do dai tryc 16n bang 12 va do dai truc

bé bing 6. Phuong trinh ndo sau day la phuong trinh cua elip (E).

2 2 2
AL o B,x_ Y 1
144 36 9 36
2 2 2
c.l+Loq p. X2
36 9 144 36
Loi gidi
i xZ 2
Phuong trinh chinh tac cua elip c6 dang (E): —2+y—2 =1 (a,b>0).
a

2 2

Tacod a=6, b=3, vay phuong trinh cua Elip la: ;—6+%=1.

Chon C. ]
b) Phwong phap gidi trac nghiém, casio.

5. Dang 5: Lap phuong trinh chinh tic cta elip khi biét d6 dai truc 16n va tiéu cu ctia né.
a) Phwong phap giai tu luan.

+Truc 16n : 4 4, = 2a, tiéu cu: EF, =2c. Taxéc dinh: b*> =a’—¢’

Y ~1.

+ Viét phuong trinh ehp —+ P
a’

Vi du: Trong mit phang véi hé truc toa dd Oxy, cho elip (E) c6 do dai truc 16n bang 10 va d¢ dai tiéu

cw bang 6. Phuong trinh ndo sau day la phuong trinh cua elip (E).



2 2

AT B. L +2
25 16 16 25
2 2 2
C.—+y—_1. P )
36 9 144 36
Loi giai

Tacd: 2a=10,2c=6=a=5,c=3. b>’=a>-c* =5 -3"=16.

2 2

A . , Xy
Vay phuong trinh cua Elip la; —+—=1.
ay p g p 25 16

Chon A. ]
b) Phuong phap gidi trac nghiém, casio.

6. Dang 6: Lap phuong trinh chinh tic cta elip khi biét d6 dai truc nho va tiéu cu cta no.
a) Phwong phap giai tuw luan.

+Truc nhé : B,B, =2b, tiéu cu: FF, =2c. Taxac dinh: a’ =b* +c°.

+ Viét phuong trinh ehp —+ Z—z =1.
a’

Vi du: Trong mit phang véi hé truc toa dd Oxy, cho elip (E) c6 d¢ dai truc nho bang 8 va d¢ dai tiéu

cu bang 10. Phuong trinh ndo sau day la phuong trinh cua elip (E )

2 2 2

2
A.x—+y—:1. B.x—+y—:1.
25 16 16 41
2 2 2 2
C.x—+y—:1. D.x—+y—:1.
36 9 41 16
Loi giai

Taco: 2b=8,2c=10=>b=4,c=5. a’* =b*+c* =4 +5" =41.
2 2

A \ , .o XDy
Vay phuong trinh cua Elip la: —+—=1.
ay p g p 1 16

Chon D. ]
b) Phuong phap gidi trac nghiém, casio.

7. Dang 7: Lap phuong trinh chinh tic cua elip khi biét né di qua hai diém cho trudc.
a) Phwong phap giai tuw luan.

2 2

+ Phuong trinh elip c6 dang: x_+ Z—z =1.
a’
+ Elip qua hai diém cho trudc, ta thay toa d6 vao phwong trinh elip giai ra dugc a?, b°.
Vi du: Trong mit phang véi hé truc toa d Oxy, phuong trinh (E) di qua diém M (0;3), N (3 —%) la:

Ay Y g B. = +2 -1,
6 3 25 9
2 2 2

c. 24X . p. —+Y -1
53 36 9



Loi giai

Phuong trinh elip c¢6 dang: —+ Z—z =1.Di qua hai diém M, N ta dugc:
a’
0 N 9 1
2o T b =9 2 2
a b < . Vay phuong trinh elip: S A Chon B.
9 144 1 a’ =25 25 9
a’  25b°

b) Phwong phap giai tric nghié¢m, casio.

Xy 12
Dung may tinh nhap: 2—5+7:> calc X =0;Y =3 vacalc X =3; Y——? .

Két qua ra bang 1 1a dap an dung.

8. Dang 8: Lap phuong trinh chinh tic cta elip khi biét n6 c6 mot tidu cu va di qua mot diém cho

trude.
a) Phwong phap giai ty luan.

y1.

+ Phuong trinh elip c6 dang: —+ =
a

+ Tir gia thiét ta xac dinh dugc ¢ va ¢* =a® —b>.(1)

2 2
+ Elip qua hai diém (x,,y,) cho truéc, ta duge: x”2 ;)} ©=1.(2)
a

+ T (1) &(2) ta gidi ra dugc a°, b>.

Vi du: Trong mat phing véi hé truc toa @ Oxy, tim phuong trinh chinh tic cta Elip c6 tiéu cu bang 6

va di qua diém 4(0;5).

x2 2 x2 2
A2 . B. 2 +2 =
100 81 34 25
2 2 2 2
c. +2 =1 ) S A
25 9 25 16
Loi giai
Chon B.

Phuong trinh chinh tic cta elip ¢6 dang —+ Y =1 (a,b > 0).

b

Theo gia thiét: 2c =6 < c=3. Vi A(O;S)G(E)nén ta c6 phuong trinh: 0—2+Z—2=1<:> b*=25.
a

Khidé: @’ =+ & ad’ =5+ = a’ =34 a=34.
2 2

Vay phuong trinh chinh tic cua Elip 1a: ;C—4+)2/—5 =1.

b) Phwong phap giai tric nghiém, casio.

9. Dang 9: Chtirng minh mot diém M 1udn di dong trén mét elip véi diéu kién cho trude.

a) Phwong phap giai tuw luan.
Dé ching to diém M di dong trén mét elip ta c6 hai cach sau:



+) Cach 1: Chung minh téng khoang cach tir M dén hai diém cb dinh F, F, lamot hang s6
2a (FF, <2a).

Khi d6 M di dong trén elip c6 hai tiéu diém F, F, va truc 16n 1a 2a.

+) Céch 2: Chimg minh trong mit phing toa d6 Oxy diém M (x;y) cb toa d6 thoa man

2 2

phuong trinh: x_2 +y—2 =1 v6i a, b 12 hai hing s6 théa min 0<b < a.
a b

Vi du 1: Trong mat phrfmg v61 hé true toa do Oxy, cho diém M (x;y) di dong c6 toa @6 luon thoéa man:

X =5cost . . ,
{ Asint’ vé6i ¢ 1a tham s thay doi. Khi d6 diém M di dong trén elip c6 phuong trinh:
y=4sin
2 2 2 2
A Y g B. L +2 =
100 81 16 25
x2 2 x2 2
c. 2 +2X =1, D. —+L =
25 9 25 16
Loi giai
2
X ocost  |Z=cos’t
x=5cost B B 22
Ta co: { Asint = > = 2? :>%+i}—6:1. Chon D.
y=4sin %:sint i}—=sin2t

Vi du 2: Trong mat phrfmg v61 hé true toa do Oxy, cho diém M (x;y) di dong c6 toa @6 luon thoéa man:

x="cost . . .
{ , Vo1 t 1a tham so thay doi. Khi d6 diém M di dong trén elip c6 phuong trinh:

y =5sint
x2 2 xZ 2
A2 X o B. -+ =
100 81 49 25
x2 2 x2 2
c.+2X o1, D. —+L =
25 9 25 16
Loi giai
2
X cost  |2—=cos’t
x="7cost B B 2 2
Ta co: { 5 sint = 7 = 4? :>z—9+;—5:1. Chon B.
y=osm %ISint y—:sjnzt
2

b) Phwong phap giai tric nghi¢m, casio.

10. Dang 10: Tim sb giao diém cua duong thang va elip.
a) Phwong phap giai tu luan.

2 2
+ Phuong trinh elip c6 dang: x_2 + Z—z =1 va duong thang A:y=mx+n.
a

2 2
, . X mx+n
+ Ta xét phuong trinh: —+ (b—z)
a

THI: (*) c6 2 nghiém thi sb giao diém 13 2 (dudng thing cit elip).

=1 (*). Ta cé 3 truong hop:

TH2: (*) c6 1 nghiém thi sb giao diém 1a 1 (dudng thing tiép xuc elip).



TH3: (*) vo nghiém thi s6 giao diém 13 0 (duong thang va elip khong c6 diém chung).

2 2

Vi du 1: Cho elip (E):ic—6+%=l va duong thang d :3x+4y—12=0. S6 giao diém cta duong thang d

vaelip (E) la:
A. 0. B. 1.
C. 2. D. 3.
Loi gidi
Chon C.

2 2

Ta c6 d:3x+4y—12:0©y=3—%%, thay vao phuong trinh (E):f—6+y?=l ta dugc

16 9 16 x=4=y=0
Vay d luén cét (E) tai hai diém phan bigt 4(0;3),B(4;0).

2 e 2 —4Y) x=0=>y=3
x_+—4:1<:>x—+M:1®2x2—8x:0<:>{ 7

2 2

Vi du 2: Cho elip (E):%+y7=1 va duong thang d : x—\/§y+2 =0. S giao diém cua duong thang d

vaelip (E) la:

A. 0. B. 1.
C. 2. D. 3.
Loi giai
Chon C.

X y 2 2 2

Z 42 X +2y° =8 —v2y-1=0

Loi giai. Toado B, Clanghiémcuahé: < 8 4 & Y & Y fy
x=+2y-2 x=~2y-2

x—x/Ey+2:O

C6 2 nghiém y nén c6 2 nghiém x = co 2 giao diém.
b) Phwong phap giai tric nghiém, casio.
III - Bai tip van dung cé chia mirc 49 (mdi dang it nhat 25 cau)
_ NHAN BIET
IV — Kiém tra cuoi bai:

2 2
Caul: Cho elip (E)c6 phuong trinh chinh tic 1a %+Z}—2 =1(0<b<a). Tim d dai truc 16n

cua (E).
A. 2a B. 2b
C.a+b D. 2¢
2 2
Cau2: Cho elip (E)c6 phuong trinh chinh tic 1a % +2}—2 =1(0<b<a). Tinh tong do dai hai

truc cia cua (E).
A. 2a B. 26
C. 2(a+b) D. a+c



Cau3: Cho elip (£)c6 phuong trinh chinh tic la —+ v =1(0<b<a). Goi 4, 4, 1a cac
a’

7=
dinh cta (£)thudc truc Ox . Ménh dé nao sau day dung?
A. 44 =2a B. AA =2b
C. Ad =a+h D. A4, =2c
i x2 2
Caud: Cho elip (E)co phuong trinh chinh tic 1a —2+;—2 ~1(0<b<a). Tim do dai truc bé
a
cua (E).
A. 2a B. 2b
C.a+b D. 2c
Cau5: Cho elip (E)c6 phuong trinh chinh tic 1a a_+Z_2_1 (0<b<a). Goi B, B, la cac
dinh cta (E)thudc truc Oy . Ménh d& ndo sau day ding?
A. BB, =2a B. B,B, =2b
C. BB, =a+bh D. BB, =2c
y

Cau 6: Cho elip (E)cé phuong trinh chinh tic la —+ 1(0<b<a). Tim toa do tiéu
a’

b_z_

diém cua (E)theo a,b.

A. F(—a* -b*;0),F,(Na* -b*;0) B. F,(Na* —b*;0), F,(—a* -b*;0)
C. F(0;—a* —=b*),F,(0;\a* —b*) D. F,(0;Va* —b*), F,(0;—a* —b*)

2 2

Cau7: Cho elip (E) c6 phuong trinh chinh tic la z—2+Z—2:1 (0<b<a) véi c=va’-b".

Tim toa d9 tiéu diém cua (E).

A. F(-¢;0),F,(c;0) B. £{(¢;0), F;(=¢;0)
C. F(0;—c),F,(0;c) D. F(0;c), F,(0;—c)
Cau8: Choelip ( )co phuong trinh chinh tic 1a _+Z_2 = (O <b< a). Tim toa d6 cac dinh
a
A, 4, cua (E).
A. 4/(-a;0), 4,(a;0) B. 4,(a;0), A4,(-a;0)
C. 4,(0;-a),4,(0;a) D. 4,(0;a),4,(0;—a)
Cau9: Cho elip (E) c6 phuong trinh chinh tic 1a —+Z—2—1 (0<b<a). Tim toa do cac
a

dinh B,, B, cia (E).
A. B,(-b;0),B,(b;0) B. B,(b;0), B,(~b;0)
C. B,(0;-b), B,(0;b) D. B,(0;b), B,(0;—-b)



Cau 10: Cho elip (E) c6 d¢ dai truc 16n 1a 2a, do dai tryc bé 1a2b . Lap phuong trinh chinh tic

cua (E).

2 2 2 2
Xy Xy

A —+==1 B. —+==1
a b’ » a’
2 2 2 2

C. x—+y—2:2 D. x—z—y—zzl
a b a b

Cau 11: Cho elip (E )cc') d6 dai truc 1on 1a 2a, d6 dai ti€u cu la2¢. Phuong trinh chinh tic cua

(E)1a phuong trinh nao sau?

2 2
y Y
A, —+ =1 B. —+ =1
a a’-c’ a ’-a
2 2 2 2
X y X Y
C. —+ =1 D. —- =1
a a+c’ a a-c

Cau 12: Cho elip (£) c6 mot dinh 4,(-a;0), mdt tiéu diém F, (—¢;0). Lap phuong trinh chinh

tac cua (E).
2 2 2 2
y y
A, —+ =1 B + =1
a at-c? a F-d
2 2 2 2
X y X Y
Co —+ :1 D. _ :1
a at+ct a’ a’-ct

Cau 13: Cho elip (E) c6 mét dinh 4,(—a;0), mot tiéu diém F, (c;0). Lap phuong trinh chinh

tac cua (E).
2 2 2 2
Yy Yy
a at-cf a c-a
2 2 2 2
b y X Y
C. —+ =1 D. —— =1
a at+ct a’* a*-c?

Cau 14: Cho elip (E) c6 mot dinh 4,(a;0), mot tiéu diém F, (¢;0). Lap phuong trinh chinh

tic cia (E).

2 2 2 2
AT+ B. o+ i
a a —¢ a c —da
2 2 2 2

X X
C.S+—2—=1 D.—-——L -1
a a +c a a —¢c¢

Céau 15: Cho elip (E) c6 mot dinh 4,(a;0), mot tiéu diém F,(—c;0). Lap phuong trinh chinh

tac cua (E).
2 2 2 2
X
A —2+ 2y 2:1 B. —2+ 2y 2:1
a a’-c a -a
2 2 2 2
X X
C.L+—L -1 ) N
a a*+c a a’-c



Cau

C.

16: Cho elip (£)co truc nho c6 d6 dai 2b, tiéu cy c6 do dai 2¢. Lap phuong trinh chinh
tic cta (E).
2 2 2 2
P A B. 2x 2er—2=1
c b b +c" b
p*—c* b P+ B
17: Cho elip (£)c6d mot dinh B,(0;—b), mot tiéu diém F, (—¢;0). Lap phuong trinh chinh
tic cia (E).
x2 y2 xz y2
XYoo B. X Y
b b*+c* b
x +y_2:1 D —xz —y—2=1
B —c* b byt b
18: Cho elip (E) ¢6 mot dinh B,(0;—b), mét tiéu diém F, (c;0). Lap phuong trinh chinh
tic cua (E).
x2 y2 xz yZ
—+—==1 B. +==1
¢ b b*+c* b
S A
- b "B+ B

19: Cho elip (E)c6 mot dinh B,(0;5), mot tiéu diém F, (c;0). Lap phuong trinh chinh tic
cua (E).

2 2 2 2

NP B. zx 2er—2=1
c b b-+c” b
XLV P
b - b’ "Bt b

Céu 20: Cho elip (E) cé mot dinh B,(0;5), mét tidu diém F, (—c;0). Lap phuong trinh chinh

A.

C.

tac cua (E).

2 2 2 2
Xy X Y
—+—==1 B. +—==1
¢t b b +c* b

2 2 2 2

T +L o ) JL A

b -c* b’ b +c* b’

Céu21: Cho elip (E) c6 di qua 2 diém 4, (—a;0), B, (0;—b). Lap phuong trinh chinh tic cta

(E).

2 2 2 2
Xy X Y
A Byt

2 2 2 2
Xy X Y
A e



Cau 22: Cho elip (E) di qua hai diém 4 (-a;0), B,(0;b). Lap phuong trinh chinh tdc cta

X oy Xy

A. ?‘Fb—Z:l B. b—2+?:1
2 2 2 2

C. S+ =2 D. = - |
a b a b

Céu 23: Cho elip (E)di qua hai diém 4,(a;0), B,(0;—b). Lap phuong trinh chinh tdc cia

(E)-

Xy X Y

A Y o B. 42
at b b* a
2 2 2 2
Xy Xy

C ?+b—2:2 D ?—b—zzl

Céu 24: Cho elip (E)di qua hai diém 4, (a;0), B, (0;b). Lap phuong trinh chinh tic cua (E).

2 2 2 2
Ao B. —+L =1
a b b~ a
2 2 2 2
c.Z+L -2 p. = -2 -
a b a b
Cau 25: Phuong trinh nao sau day la phuong trinh chinh tac cta elip ?
x2 y2 x2 y2
A. ?+b_2:1 (a>b) B. a—2 b_2:l (aSb)
x2 y2 x2 yZ
C. ?-i_b_z:l (a<b) a—z—b—2:1(61>b)
THONG HIEU
Céu 26: Cho elip (E)c6 phuong trinh chinh téc la = = +% =1. Tim d6 dai tryc 16n cua (E).
A. 4 B. 6
C.5 D. 9
Céau 27: Cho elip (£)c6 phuong trinh chinh tic 1 3—+% =1. Tim d9 dai truc bé cua (E)
A. 4 B. 6
C.5 D. 9
x2 y2 )
Cau 28: Day cung cua elip (E): ST =1(0<b<a) vudng goc vdi truc 16n tai tiéu diem
a
c6 do dai la bao nhiéu?.
2 2
A 2< B 22
a a
2 2
c. 2% p. &
c c

Cau 29: Cho elip ( ) y? =1. Tim ménh dé sai trong cdc ménh dé sau:

x_
9



J5

A. (E)c6 céc tieu diém F,(—5;0), £,(¥5:0)  B. (E)cdtisd =2

a 3
C. (E)co dinh A4 (-3;0) D. (E)c6 do dai tryc 16n 1a 3.
Cau 30: Choelip (E): x*+4y” =1. Tim ménh dé dung trong cc ménh dé sau:
A. (E)c6 tryc 16n bing 4 B. (E) c6 truc bé bang 2
C. (E)co6 dinh 4 (~1;0) D. (E)c6 tiéu cu bing /3.

2 2

Cau 31: Cho elip (E) c6 phuong trinh chinh tic la %+y7 =1. 2a, 2b lan luot 14 do dai truc

16m va truc bé cua (E). Ménh dé nao sau day dung?

A.a=3,b=2 B.a=9,b=4
C.a=2,b=3 D.a=4,b6=9
, x2 2 ,
Cau 32: Cho elip (E )cé phuong trinh chinh tic la —2+y—2 =1. Tinh tong d¢ dai hai truc ctua
4 3
cua (E).
A. 8 B. 6
C.7 D. 14

2 2

Cau 33: Cho elip (E )cc') phuong trinh chinh tic 1a f—6+y7 =1. Goi 2¢ la d¢ dai ti€u cu cua

(E). Ménh dé nao sau day ding

A. > =12 B. > =16
C CZ = 20 D CZ = 4
2
Cau 34: Cho elip (E )co phuong trinh chinh tic 1a _+y_ =1. Tim toa d§ cac dinh 4, 4, cla
3 22 1 2
(E).
A. 4,(-3;0),4,(3;0) B. A4,(3;0),4,(-3;0)
C. 4,(0;,-3),4,(0;3) D. 4,(0;3), 4,(0;-3)
Cau 35: Cho elip ( ) c¢6 phuong trinh chinh tic 1a _+y_ =1. Tim toa d6 cac dinh B,, B, cua
53 v
(£).
A. B,(3;0),B,(-3;0) B. B,(-3;0),5,(3;0)
C. B,(0;-3),5,(0;3) D. B,(0;3),B,(0;-3)
2 2

Y

Cau 36: Cho elip (E ) c6 phuong trinh chinh tic 1a :—2 +3—2 =1. Ménh d¢ nao sau day dang?

A. 44,=5, BB, =3 B. 44,=10, BB,=6
C. 44,=3, BB, =5 D. 44,=6, BB,=10



Cau 37: Cho elip (E)cé tiéu cu 1a 2c, df dai truc 16n, truc nho 1an lugt 1a 2ava 2b . Trong cac

ménh dé sau, ménh dé nao dung.
A.c<b<a B.c<a<b
C.c>b>a D.c<avab<a

Céu 38: Phuong trinh ndo sau day 13 phuong trinh chinh tic cta elip ?

2 2 2 2
2 2 2 2

c.L -2 - D. -2 -
4 9 9 4

Cau 39: Cho elip (£)co do dai truc 16n bang 8, do dai truc bé bang 6 . Phuong trinh cua (E)la

phuong trinh nao sau?
2 2

A. x—+y—:1 B.x— y—:l
64 36 8 6
2 2 2 2

c. +2L o1 p. Y
16 9 16 9

2 2
Ciu 40: Cho elip (£)c6 phuong trinh chinh tic x—2+Z—2:1, diem M (3;2) nam trén (E).
a

Diém nao sau day khong nam trén elip?
A. M =(-3,2) B. M, =(-3;-2)
C. M,=3,-2) D. M, =(2;3)

Cau 41: Khi ¢ thay doi, diém M (5cos t;4sin t) di dong trén dudng nao sau day?

A. Elip B. Dudng thing
C. Parabol D. Duong tron.

Ciu 42: Cho elip (E)cé di qua 2 diém 4,(-3;0), B,(0;-2). Phuong trinh nao sau day la
phuong trinh chinh tic cta (E).

2 2 2 2
A2 o B. X+ o
479 9 4
2 2 2 2
c. -2 - p. Y

9 4 4 9
Cau 43: Cho elip (E)c6 di qua 2 diém 4 (—4;0), B,(0;2). Phuong trinh nao sau day la

phuong trinh chinh tic cua (E).

2 2

ALY B. 1 +2 =1
16 4 416
2 2

WY ) S A
"T6 4 16 4

Cau44: Cho elip (E) c6 di qua 2 diém 4,(3;0), B,(0;-2). Phuong trinh nio sau day la
phuong trinh chinh tic cta (E).



2 2 2 2

A. %4‘%21 B. %+y721
2 2 2 2

c.2 -2 - ) JE A
9 4 4 9

Ciu 45: Cho elip (E) c6 phuong trinh chinh tic %2_1_)/72 =1. Téng khoang cach tir mot diém
M bétki trén (E)t6i hai tiéu diém 1 bao nhiéu?
A. 6 B. 4
C.3 D. 9
2 2
Céau 46: Cho elip (E) c6 phuong trinh chinh tic x_+2/_2 =1(0<b<a). Dudng thing y =2x

2
a

cat (E) tai hai diém M, N . Ménh dé nao sau day dung?

A. M, N dbi xting qua gbc O B. M, N d6i ximg qua truc Oy
C. M, N doi xting qua truc Ox D. M, N doi xtmg qua 4, .
Cau47: Cho elip (E) c6 phuong trinh chinh tic z—j+z—j =1(0<b<a) va diém
M (x,;7,)€(E) (x, #0). Diém sau diém nao sau day khong ndm trén (E)?
A. (=x455,) B. (x:-¥,)
C. (2x:,) D. (—xp;—,)
2 2
Chu48: Cho elip (E) c6 phuong trinh chinh tic z—z + Jb}_z =1(0<b<a) va diém
M (x,5¥,) €(E) (x, #0). Piém sau diém nao sau day nam trén (E)?
A. (=2xy3,) B. (2x,;—¥,)
C. (2x:,) D. (—xp;—,)

Cau 49: Cho elip (E) c6 phuong trinh 16x” +25y* =400 . Phuong trinh nao sau day 1a phuong

trinh chinh tic cua (E ) ?

2 2 2 2
A2 g B. - +Y 11=0

25 16 25 16

2 2 2 2

16 25 25 16

Cau 50: Phuong trinh nio sau day la phuong trinh chinh tic cta (E ) ?

2 2 2 2
A+ X B.+2 -0
25 16 25 16
2 2 2 2
C.x—+y—:1 D.x——y—zl
16 25 25 16

VAN DUNG



2 2

Céu 51: Cho elip (E) c6 phuong trinh chinh tic la %+y7 =1. Goi A4, 4, 1a cac dinh cua (E)

thudc truc Ox . Tinh d6 dai doan th'fmg AA4,.

A. 44,=6 B. 44, =4
C. 44,=5 D. 44,=25
, x2 2 ,
Cau 52: Cho elip (E ) c6 phuong trinh chinh tac la 2—5+i)—6 =1. Tinh tong d¢ dai hai tryc cua cua
(E)-
A. 10 B. 9
C. 18 D. 8

2 2

Céu 53: Cho elip (E)cé phuong trinh chinh tic 1a X +2 1. Goi B,, B, la cac dinh cia (E)
4 1

thugc truc Ox . Tinh d6 dai doan thang BB, .

A. BB, =4 B. BB, =2
C. BB, =23 D. BB, =3
B x2 yZ
Cau 54: Cho elip (£) c6 phuong trinh chinh tac 1a 5t e 1. Tim d6 dai truc bé cua (E).
A. 10 B. 8
C.9 D. 6

2 2

Céu 55: Cho elip (E)c6 phuong trinh chinh tic 1a ;—5+ 1y_6 =1. Tinh dién tich hinh chit nhat di

qua bén dinh ciia (E) .

A. 20 B. 60
C. 80 D. 48
2 2

Céu 56: Cho elip (E) c6 phuong trinh chinh tic la X?Jr yT =1. Tim toa d¢ tiéu diém cta (E).

A. F(=10),F(10) B. F(-2;0),F,(2;0)
C. F,(2:0),F,(-2;0) D. F,(3/5;0). F,(—/5:0)
2 2
Céu 57: Cho elip (E)c6 phuong trinh chinh tic 1a x?+yT =1. Tim toa d6 cac dinh 4, 4, cua
(E)-
A. 4,(-10), 4,(1;0) B. 4,(-2;0), 4,(2;0)
C. 4(/5:0), 4,(~V5;0) D. 4,(-5;0), 4,(~V5;0)
2 2
Cau 58: Cho elip (E ) c¢6 phuong trinh chinh tic 1a x?erT =1. Tim toa d¢ cac dinh B,, B, cua
(E)-

A. B,(-10), B,(1;0) B. B,(-2:0), B,(2;0)



C. B,(1;0), B,(-1;0) D. B,(—/5;0), ,(+/5;0)

Cau 59: Cho elip (E )cé d6 dai tryc 16n 1a 20, d6 dai tryc bé 1a 12. Lap phuong trinh chinh tic

cua (E).
2 2 2 2
A. x_+y_:1 B. x_+y__
100 64 64 100
2 2 2 2
c. XY S
100 36 400 144

Cau 60: Cho elip (E )cé do dai tryc 16n 1a 6, do dai ti€éu cu la 4. Lap phuong trinh chinh tac

cua (E).
2 2 2 2
A. x—+y—:1 B. x—+y—:
9 5 36 16
2 2 2 2
c.+2X o1 X _y_
5 9 9 5

Céu 61: Cho elip (E) c6 d¢ dai truc bé 1a 6, do dai tiéu cw 1a 4. Lap phuong trinh chinh tic

cua (E).
2 2 2 2
13 9 36 16
2 2 2 2
C. x—+y—:1 x_+y_=1
9 4 9 13

Cau 62: Cho elip (E)cod mot dinh 4, (—/7;0), mot tiéu diém F, (—\/5;0). Lap phuong trinh

chinh tic cua (E).

2

2
A+ f o B. X+ o
7 4 73
2 2 2 2
c.+2 o ) JE A
43 7 4

Céu 63: Cho elip (E) c6 mot dinh 4,(—4;0), mot tiéu diém F, (3;0). Lap phuong trinh chinh

tic cta (E).

2 2 2 2
A+ o B. 1+ o
16 5 16 9
2 2 2 2
c. 2 +2 o1 ) S A
9 5 16 5

Céu 64: Cho elip (E)co mot dinh 4,(7;0), mot tiéu diém F, (5;0). Lap phuong trinh chinh tic

cua (E).

2 2 2 2
AL B. +2
49 24 24 49
2 2 2 2
C. 4+ =1 p. XY
49 25 49 24



Céu 65: Cho elip (£)c6 mot dinh 4,(6;0), mot tiéu diém £ (-5;0). Lap phuong trinh chinh tic

cua (E).

2 2 2 2
A+ B. X1+ o
36 9 36 25
2 2 2 2
C. x—+y—:1 D. x——y—zl
5 9 36 9

Céu 66: Cho elip (E) di qua diém M (5\/5; 42 ), mét tiéu diém F(—6;0). Lap phuong trinh

chinh tic cua (E).

2 2 2 2
A. x_+y_:1 B. x_+y__
100 64 64 100
2 2 2 2
c.—+2 =2 ) AR
100 36 400 144

32

Céu 67: Cho elip (E) di qua diém M (—3\/5;7} mot tiéu diém F, (—5;0). Lap phuong trinh

chinh tic cua (E).

2 2 2 2

A. x—+y—: B. x—+y—:1
36 9 36 25
2 2 2 2

C. +2 =1 p. Y
59 36 9

Cau 68: Cho elip (E)c6 di qua diém M (3v2;-242), mot dinh 4, (6;0). Lap phuong trinh
chinh tic cua (E).

2 2 2 2
A+ B. 1+ -
36 16 36 20
2 2 2 2
C x_+y_= D.x——y—=
16 36 36 16

2 2
Cau 69: Cho elip (E )c6 phuong trinh chinh tac 1a %+y7 =1. Viét phuong trinh dudng tron

tam O di qua hai dinh 4, 4, cta (E).
A. X" +y* =9 B. x’+)* =4
C.x*+y* =5 D. x* +y* =13

2 2

Céu 70: Cho elip (£)c6 phuong trinh chinh tic 1a %-1_%: 1. Tim toa d6 diém M trén elip

(E)sao cho khoang céch tir M dén tiéu diém F, 1a nho nhat.
A. (3:0) B. (-3;0)
C. (0;2) D. (0;-2)



2 2

Céiu 71: Cho elip (£)c6 phuong trinh chinh tic 1a %+%: 1. Tim toa d6 diém M trén elip

(E) sao cho khoang cach tir M dén tiéu diém £ 1a 16n nhat.
A. (3;0) B. (-3;0)
C. (0;2) D. (0;-2)
Cau 72: Ta biét rang Mit Triang chuyén dong quanh Trai Dat theo mot quy dao 1a mot elip ma
Trai Dat 1a mot tiéu di€m. Elip c6 chiu dai truc 16n va truc nho lan lugt 1a 769 266
(km) va 768 106 (km) Tinh khoang cach ngin nhét tir Trai Dat ¢én Mat Tring, biét

rr:ing cac khoang cach do dat dugc khi Trai DAt va Mat Trang nam trén truc 1én cia

elip.
A. 384 633 (km) B. 384 053 (km)
C. 363 518 (km) D. 363 517 (km)
2 2

Céau 73: Cho elip (E ) ¢6 phuong trinh chinh tic 1a f_6+y7 =1. Pudng thing c6 phuong trinh

ndo sau day tiép xtc voi (E)tai diém M (2; -3 ) ?

A. x=233y-8=0 B. 24/3x—y—-8=0
C.x—2\/§y+8:O D. \/§x+y—\/§:O

Céu 74: Dé cit mot bang hiéu quang céo hinh elip ¢6 truc 16n 12 80 (cm) va truc nhé 13 40 (cm)
tir mot tim van ép hinh chit nhat co kich thuéc 80(cm) x 40 (cm), ngudi ta v& hinh
elip d6 1én tAm van ép nhu hinh v& . Hoi phai ghim hai cai dinh cach nhau bao nhiéu

cm?
A. FF, =203 (cm) B. F,F, =20 (cm)
C. FF, =404/3 (cm) D. FF, =80 (cm)

2 2

Céu 75: Cho elip (£)c6 phuong trinh chinh tic 1a ;—5+i}—6 =1. Puong thing c6 phuong trinh

x=-3 cit (E)tai hai diém M, N. Tinh d0 dai doan thing MN

A. 32 B. 16
5 25
c. ¢ D. 22
5 25
DAP AN
Cau Pap an Cau Pap an Cau Pap an

1 A 26 B 51 A




Cau 1.

Cau 2.

Cau 3.

2 C 27 A 52 C
3 A 28 B 53 B
4 B 29 D 54 B
5 B 30 C 55 C
6 A 31 A 56 B
7 A 32 D 57 D
8 A 33 A 58 A
9 C 34 A 59 A
10 A 35 C 60 A
11 A 36 B 61 A
12 A 37 B 62 A
13 A 38 B 63 A
14 A 39 C 64 A
15 A 40 D 65 A
16 B 41 A 66 A
17 B 42 B 67 A
18 B 43 A 68 A
19 B 44 B 69 A
20 B 45 A 70 B
21 A 46 A 71 A
22 A 47 C 72 C
23 A 48 D 73 A
24 A 49 A 74 A
25 A 50 A 75 A

PE KIEM TRA 25 CAU 45 PHUT CUOI BAI
PE KIEM TRA BAI 1: MENH PE
Thoi gian: 45 phit — 25 Cau TN.

Phuong trinh chinh tdc cta elip di qua 4(0;—4) va ¢6 tiéu diém F(3;0) la:

2 2

ALy, B. —+X =1
25 16 13 4
2 2 2 2
c. +X -1 D. —+X 1.
5 4 25 16
Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cua elip:
2 2
A. 4x>+8y2=32. B.XTHT:L
8 4
2 2 2 2
c. X1 p. =X
64 16 8 4

x2 yZ ,
Cho elip (E): ?4_7 =1. Chon khang dinh sai:

A. Diém A(-3;0)e(E). B. (E) c6 tidu cu bing 24/5.




Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 10.

35

C. Tryc 16n cua (E) c6 do dai bang 6. D. (E) ¢ tam sai bang -

Phuong trinh chinh tic cua elip di qua hai diém A(\/E ; NE) ) va B(Z;\/E ) la

(8]
[

2 2

Y WA B. 2 +2 1.

8 4 1
8 4

x2 yZ

C. —+=—=1. D. 8x2+4y*=32.
64 16

Elip (E) c6 d6 dai truc bé bang 8 va do dai tryc 16n bang 12 c6 phuong trinh chinh tic 1a:
2 2 2 2 2 2 2 2
X B. —+X =1. c. +X 1. D. — +2L =
36 16 36 16 36 16 144 64

Elip (E) c6 d6 dai tryc 16n bang 12 va tim sai bang % c¢6 phuong trinh chinh tic 1a:

2

2
Y c. 242X D.

2

A. (E). B. + . .
9 8 18 16

2

XY
(E).;+ﬁ—l(a>b>0)

2b=8=b=4
c 1 ¢z 1 a’-b* 1 a’-16 1 .
e=—=—S—=—<& =— =—=a?>=18
a 3 a*? 9 a? 9 a? 9
»?
= (F —+—_1
(E): 18 16

Elip AF, + BF, =2a =10 c6 d¢ dai truc bé bang 8 va tim sai bang % c6 phuong trinh chinh

tac 1a:
2 2
A. —+y—:1. B. —+2 =
9 8 25 16
2 2
c. X X p. X _
1 16 18 16

Elip (E) c6 tiéu diém F (2\/5; 0) va dién tich hinh chit nhat co s¢ bang 32 c6 phuong trinh
chinh tic 1a:
2 2 2 2
S AN B. _+L =1, C

2 2 2
A. +y—=l. D.x—+y—:—1.
64 16 16 4

X
"4 16 16 4

2

2
Cho elip (E):—+2= =1, véi tiéu diém F, F,. LAy hai diém A4,B e (E) sao cho AF, + BF, =S8.
25 16

Khi d6, AF, +BF, =?

A. 6. D. 10.

B. 8. C.12.

2

2
Cho elip (E):%+y?:l. Tim toa d§ diém M (E) sao cho M nhin F,F, dudi mot goc

[5)

vuong:

A. (=5;0). C. (0;4).



Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Lap phuong trinh chinh tic cua elip c6 do dai truc nho bang 12 va ti sb cua tiéu cu voi do dai
. 4
truc 16n bang r

2 2 2 2 2 2 2 2

A2 B. L +¥ = c. X2 ) S

LA | 4L = Z 4L =

. . . . . . —+==1
36 25 25 36 64 36 100 36

. oA A N . M N g0 A 5 ‘A re A N\ e r M 3
Elip c6 tong d6 dai hai truc bang 18 va ti s0 cua tiéu cu véi do dai truc 16n bang 3 Phuong

trinh chinh tic ciia elip la:
2 2 2 2 2 2 2 2
A+ o B. L +2X 1. c. 42 o p.+2 1.
25 16 5 4 25 9 9 4
x>y .
Cho elip (E):—2+b—2=1 v6i a>b>0. Goi 2c¢ 1a tiéu cu cia (E). Trong cic ménh dé sau,
a
ménh dé nao dung?
A. C=a’+b°. B. b* =a’ +¢’. C.a’=b"+c% D. c=a+b.

Cho elip ¢o hai tiéu diém F,, F, vacé do¢ dai truc 16n br:ing 2a . Trong cac m¢nh dé sau, ménh
dé nao dung?
A. 2a=FF,. B. 2a > FF,. C. 2a < FF,. D. 4a = FF,.

2 2
Cho elip (E ) : ;—5+% =1. Hai diém 4, B 1a hai dinh cia elip lan luogt ndm trén hai truc Ox,

Oy . Khi d6 d6 dai doan thang 4B bang:
A. 34, B. V/34. C.s. D. /136.

Mot elip (E ) ¢6 truc 16n dai gip 3 lan truc nho. Ti sd e ciia tiéu cu voi do dai truc 16n bang:

1 V2 V3 _A2

A. e=—. B.e=—. C.e=—. D. e
3 3 3 3

Mot elip (E ) c6 khoang céch gitra hai dinh ké ti€p nhau gap ) lan tiéu cu cua nd. Ti s e cua

ti€u cu vdi do dai truc 16n bang:

A.ezﬁ. B.ezg. C.ezﬁ. D.ezﬁ.
5 5 5 5
2 2 . . . .
Cho elip (E):@+l):1_4=1 va diém M nam trén (E) Néu M co6 hoanh d§ bang —13 thi
khoang cach tir M dén hai tiéu diém bang:
A. 10 va 6. B. 8 va 18. C.13 +5. D. 13 +/10.
2 2

Cho elip (E ):f—6+i}—2:1 va diém M nim trén (E). Néu M c6 hoanh d¢ bang 1 thi khoang
cach tir M dén hai tiéu diém bang:

NG

A. 3,5 va 4,5, B.3vas. C. 4+42. D.4i7.



Cau 20. Cho elip c6 phuong trinh 16x* + 25y* = 100. Tinh tong khoang cach tir diém M thudc elip
¢6 hoanh d6 bang 2 dén hai tiéu diém.

A. 3. B. 24/2. C.5. D. 4/3.

2 2

Cau21. Choelip (E): I)EW+;}—6 =1. Qua m{t tiéu diém ciia (E) dung dudng thing song song véi truc

Oy vacit (E) tai hai diém M va N.
Tinh d6 dai MN .
48 36 25

A, —. B. —. C. 25. D. —.
5 5 2

2 2

Cau22. Cho (E): %4_;}_6 =1. Mot dudng thang di qua diém 4(2;2) va song song véi truc hoanh cit

(E) tai hai diém phan biét M va N. Tinh do dai MN .

A. 35 B. 1512. C. 2J/15. D. 53.
P q
Cau 23. Day cung cua elip (E) ey =1 (0<b<a) vudng goc v6i tryc 16n tai tiéu diem co do dai
a
bang:
2 2 2 2
A B. 22 c. 2. p. L.
a a c c

2 2

Ciu 24. Puong thing d:3x+4y—12=0 cit elip (E):f—6+y?=l tai hai diém phan biét M va N.

Khi d6 d6 dai doan thang MN bang:
A. 3. B. 4. C. 5. D. 25.
, , , x* 2 .
Cau 25. Gia tri cha m dé duong thang A:x—2y+m=0 cat elip (E) :T+yT:1 tai hai diém phan
biét la:

A. m=+22. B. m>22. C. m<-22. D. 232 <m < 242.

Hét

1.D 2.A 3.D 4.A 5B 6.A 7.C 8.B 9.C 10.D
11.D 12.A 13.D 14.A 15.B 16.A 17.C 18.B 19.A 20.C
21.A 22.C 23.B 24.C 25.D

2 2
Cau8. Goi phuong trinh chinh tic cia elip 1a: (E): > + % ~1 (a>b>0).
a

Tiéu diém: F(2/3;0)= c=2/3 .
Hinh chit nhét co s¢ co dién tich: S, =2ax2b=4ab=32=ab=38.



s ath? =64
& aXa?—c?) =64 < a*(a*-12)=64
sat—12a2-64=0
a’=16=5h2=4
= .
a*=-4(l)
y2

2
Vay phuong tinh elip la: (£): ;C_6 +T =1.

2 2
Cau9. Cho elip (E): %+1y_6 =1, véi tidu diém F, F,. LAy hai diém A,B e (E) sao cho AF, + BF, =S8.
Khi d6, AF, + BF, =?
A. 6. B. 8. C. 12. D. 10.
Loi gidi
y2

2
Do (E):x—+—=1:>a2:25:>a:5.
25 16

Do Ae(E)< AF, + AF, =2a=10.
Do Be(F)< BF, +BF,=2a=10.
= (AF, + BF))+(AF, + BF,) =20

< 8+ (AF, +BF,) =20

< AF, +BF, =12.

Y > =100

Cau2l. Xeét (E):——+L =1=" &t =a* b =100-36 = 64.
100 " 36 b* =36

Khi d6, Elip ¢6 tiéu diém 1a 7, (~8;0) = duong thing d //Oy vadiqua F, 1a x=-8.

Giao diém ctia d va (E) la nghiém cta hé phuong trinh

x=-38 x=-8

2 2 = 24
RSP P
100 36 5

Vay toa do hai diém M(—8;25—4j, N(—8;—25—4j = MN =%

Ciu 22. Phuong trinh duong thang d di qua diém A(2;2) va song song truc hoanh c6 phuong trinh la
y=2.

Taco dN(E) < 20 16 el 2 o

¢y, [r=2 {yzz )2 M (Vi5:2)

al 1
y=2 20 16
Vay do dai doan thdng MN = 24/15.
Céu 23. Hai tiéu diém c6 toa do lan lugt 1a F (—c;0), F,(c;0).

Pudng thing chira diy cung vudng goc voi truc 16n (truc hoanh) tai tiéu diém F c6 phuong trinh 1a
A:x=c.



x2 y2 xX=c X=C xX=c
Suyra An(E)eia? 15 teda 2
uyra An(E)=<a® b <:>c_+y__1<:> _b(a—c)_b4<:> b
xX=c - _—2_? Ty
A A R \ 2b
Vay toa do giao diém cia A Va( la M c;—— |=> MN =—.
a
Cau 24. Toa do giao diém cta duong thang d va (E la nghiém cua hé
3x
=3-—= 3x
x+dy—12=0 |77 g4 IO S e s
x* )y’ < x)  © g 4 <
—+—=1 , | 3—— =
16 9 X 4 X' —4x=0
4+ =1 =
16 9
. 0;3)
Vay toa do giao diém la ):MN 5

V — BAI TAP LUYEN TAP (Ngan hang dé — t6i thiéu 50 cdu chia di muc d0)
Néu 12 50 cau co thé chia s6 lugng 15-15-10-10
S6 lwong khac >50 cdu t6i thiéu VD-VDC tdng 25 cau

2 2

Caul. Elip (E):x—+% —1 ¢ o dai truc 16n bing:
A.S. B. 10. C. 25. D. 50.

Cau2. Elip (E):4x’ +16)” =1 ¢6 do dai truc 16n bang:

A. 2. B. 4. C. 1. D. l
2
Cau3. Elip (E):x’+5y° =25 ¢6 do dai truc 16n bang:
A. 1. B. 2. C. 5. D. 10.
x2 y2
Caud. Elip (E):——+=—=1 c6 d¢ dai truc bé bang:
100 64
A. 8. B. 10. C. 16. D. 20.
2
Caus. Elip (E): f—6+ v =4 ¢6 tong d6 dai truc 10n va truc bé bang:
A. 5. B. 10. C. 20. D. 40.
x2 y2
Cau 6. Elip (E):==+=—=1 c6 tiéu cu ban
P ( ) 25 16 &
A. 3. B. 6. C.9. D. 18.
x2 yz .
Cau7. Elip (E):_+T:1 co tiéu cy bing:
A A5, B. 5. C. 10. D. 24/5.
A x’ y ‘e T N
Cau8. Elip (E): ?+?—1, voi p>¢q >0 co tiéu cu bang:



Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

A. p+gq. B. p—gq. C.p°-q. D. 2\p*-q" .

Elip (E): m ;)6 =1 ¢6 mot dinh ndm trén truc 16n la:

A. (100;0). B. (~100;0). C. (0;10). D. (-10;0).

2 2
Elip (E): XY e mét dinh nam trén truc bé la:
16 12

A. (4,0). B. (0;12). C. (0:243). D. (4,0).
2
Elip (E): % %:1 c6 mot tiéu diém la:
A. (0;3). B. (0;+6). C. (—/3;0). D. (3;0).
Cip diém nao 1a cac tidu diém cua elip (E ) :x?+y7 =1?
A. F,(-1;0) va F,(1;0). B. F,(-3;0) va F,(3;0).
C. F(0:-1) va F,(0;1). D. F(-2:0) va F,(2;0).
2 yz ) .
Elip (E)£+? =1. Tiso e cua tiéu cu va do dai tryc 16n cua elip bang:
A. e=1. B.e:ﬂ. C.ezi. D.e:i
4 4 4
¥ yz ) .
Elip (E ):?-‘FT =1.Tiso f ctadd dai truc 16n va tiéu cy cta elip bang:
3 3 2 NG
A, f=—. B. f=—. C. f=—. D. f=—.
A > f NG A 3 f 3
2 2 B .
Elip (E): £+% =1.Tiso k cua tiéu cu va do dai truc bé cta elip bang:
A. k=8, B. k=+8. C.k=1. D. k=-1.
2 2
Cho elip (E ) :;—5+% =1. Trong céc khang dinh sau, khing dinh nao sai?
A. (E) c6 cac tiéu diém F; (—4;0) va F,(4;0).
B. (E tisd —=—
(E) cotiso ;
C. (E) c6 dinh 4, (-5;0).
D. (E) c6 d6 dai truc nho bang 3.

Cho elip (E):x” +4y” =1. Khang dinh nao sau day la dung?
A. Elip c6 tiéu cy bang V3. B. Elip c6 tryc nho bang 2.

C. Elip c6 mot tiéu diém la F[O;g]. D. Elip c6 truc 16n bang 4.



Cau 18. Cho elip (E):4x” +9y* =36. Tim ménh dé sai trong cic ménh dé sau:

A. (E) ¢6 truc 16n bang 6. B. (E) c6 truc nho béing 4.
C. (E) ¢6 tiéu cu bing /5. D. (E) ¢6 ti sb izg.
a

Chu 19. Phuong trinh cta elip (£) c6 d¢ dai truc 16n bang 8, d¢ dai truc nhd bang 6 1a:
A. 9%’ +16y° =144.  B. 9x° +16y° =1.

2 2 2 2
c. 24X . p. 2 1.
9 16 64 36

Cau 20. Tim phuong trinh chinh tic cta elip c6 tiéu cu bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2

Ao B. X+ 1. c. XY g p. =472
25 9 100 81 25 16 25 16

Cau2l. Elip c6 do dai truc on 1a 10 va c6 mot tiéu diém F (-3;0). Phuong trinh chinh tic cta elip la:

2 2 2 2 2 2 2 2
Ao B. X+ 1. c. X+ 2 . p. 2 1.
25 9 100 16 100 81 25 16

Cau22. Elip c6 do dai truc nho 1 44/6 va c6 mét tidu diém F (5;0) . Phuong trinh chinh tic cta elip la:

2 2 2 2 2 2 2 2
A 12 B. —+2 -1 c. X p. 4+ 1.
29 ' 24

. . . . « —+-—=1.
121 96 101 96 49 24
Cau23. Elipcémotdinhla 4(5;0) va cé mot tiéu diém F; (—4;0). Phuong trinh chinh tic ciia elip la:

2 2 2 2 2 2

* LY B. 1+ 1. c. X o p.2+2 -1,

A —+—=1.
25 16 5 4 25 9 5 4
Ciu24. Elip c6 hai dinh 1a (-3;0);(3;0) va co hai tiéu diém la (=10);(1;0). Phuong trinh chinh tic cla

elip la:
2 2 2 2 2 2 2 2
A4 o B. —+Y _1. c.+X p. 1 4+2 1,
9 1 8 9 9 8 1 9

Céu 25. Tim phuong trinh chinh tic cua elip néu truc 16n gap doi truc bé va co tiéu cu bang 443
2 2 2 2 2 2 2 2

ALY B. - +Y _1. c. 4y 1 D2 +Y 1
16 4 36 9 36 24 24 16

Céu 26. Lap phuong trinh chinh tic cta elip biét do dai truc 16n hon do dai truc nho 4 don vi, d6 dai
truc nhé hon do dai ti€u cu 4 don vi.
2 2 2 2 2 2 2 2
A.x—+y—:1. B.x—+y—:1. C.x—+y—:l. D.x—+y—:1.
64 60 25 9 100 64 9 1

Céu 27. Lap phuong trinh chinh tic cua elip biét ti sé giita d6 dai truc nhé va tiéu cy bang V2 , tong
binh phuong d6 dai truc 16n va tiéu cu bang 64 .
2 2 2 2 2 2 2 2
A+l B. = +2 =1 c. 4+ 2o p. 2 +2X =1
12 8 8 12 12 4 8 4
Cau 28. Elip c6 mot tiéu diém F(-2;0) va tich do dai truc 16n voi truc bé bang 12+/5 . Phuong trinh

chinh tic cta elip la:



Cau 29.

Cau 30.

Cau 31.

Cau 32.

Céu 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

2 2 2 2 2 2

2 2
A.%+y?:l. B. 4+ - c. X +2 o p. X+ 1.

. —+=—=1. . — : . —+

36 20 144 5 45 16
Lap phuong trinh chinh tic cua elip c6 d6 dai truc 16n bang 26 va ti sé cua tiéu cu véi do dai
truc 16n bang 2

13
2 2 2 2 2 2 2 2

Ao B. —+2 =1, c. 2+ =1, D. —+L =1,
26 25 169 25 52 25 169 5
Lap phuong trinh chinh tic cta elip co do dai truc 16n bang 6 va ti s6 cua tidu cy voi do dai
truc 16n bang %

2 2 2 2 2 2
Y B. —+L 1. c. 2 +2L 1. D.
9 8 9 5 6 5

2
X

2
A. +Y 1.
3

Lap phuong trinh chinh tic cta elip c6 do dai truc nho bang 12 va ti s6 cua tiéu cu véi do dai
. 4
truc 16n bang e
2 2 2 2 2 2 2 2
A+ 2 . B. —+2 =1, c. +2 =1 ) J A
36 25 25 36 64 36 100 36

. : S : ‘ . . ) s 3
Elip c6 tong d¢ dai hai truc bang 18 va ti sO cua tiéu cu véi do dai truc 16n bang 3 Phuong

trinh chinh tic cua elip la:

2 2 2 2 2 2 2 2
A.x—+y—:1. B.x—+y—:l. C.x—+y—:l. D.x—+y—:1.

25 16 5 4 25 9 9 4

. O A N\ . M N e A 5 A /e A N\ ’ M \/g
Elip c6 tong d¢ dai hai tryuc bang 10 va ti s6 cua tiéu cu voi d dai truc 16n bang E Phuong
trinh chinh tic ciia elip la:

2 2 2 2 2 2 2 2
A+ o B. L +X 1. c. 42 o p.+2 -1

25 16 5 4 25 9 9 4

Lép phuong trinh chinh tic cua elip, biét elip di qua hai diém 4(7;0) va B(0;3).
2 2 2 2 2 2 2 2

Ao B. -+ 1. c. 4+ . D.x—+%:1.

T40 9 16 9 9 49 49

Elip di qua cdc diém M (0;3) va N (3; —%) c6 phuong trinh chinh tic 1a:

2 2 2 2 2 2 2 2
Al o1 B. +2 =1. c. 2+ 2 o1 ) S A
16 9 25 9 9 25 25 9

Elip di qua cac diém A(O;l) va N (l;%} c¢6 phuong trinh chinh tic 1a:
2 2 2 2 2 2 2 2
A+ E o B. —+2 -1, c.—+X -1 D. T +L -1,
16 4 8 4 4 1 2 1

Tim phuong trinh chinh tic cta elip néu nd c6 truc 16n gap do6i truc bé va di qua diém
M (2;-2).



Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

2 2 2 2 2
ALY B. 2 +Y _1. C.
20 5 36 9

2 2 2
RAN p. 2+ 1.
6 16 4

+

R =

Tim phuong trinh chinh tic cia elip, biét elip c6 tiéu cu bang 6 va di qua 4(5;0).

2 2 2 2 2 2 2 2

AL B. 1 +2 c. +Y pD. X+ _

25 16 25 16 25 9 100 81

Tim phuong trinh chinh tic cta elip, biét elip c6 tiéu cy bang 23 va di qua 4 (2; 1) .

2 2 2 2 2 2 2
X

+2 -1, B.%+y—:1. c.%+y—=1. p. X+ 1.

A
6 3 5 9 4

Tim phuong trinh chinh tic cta elip, biét elip c6 tiéu cy bang 8 va di qua diém M (\/E ; —1) .

2 2 2 2 2 2 2 2
A X o B. —+2 =1 c. +2X o1 D. —+2 =1

12 4 16 4 18 4 20 4

Elip qua diém M [2;2] va c6 mot tiéu diém F (—2; O) . Phuong trinh chinh tic cta elip 1a:

2 2 2 2 2 2 2 2
A+ o1 B. = +2X —1. c. 2 +2 1. p. 2 +2 -1,

9 5 9 4 25 16 25 9

Phuong trinh chinh tdc cta elip ¢6 hai tiéu diém F(-2;0), F,(2;0) va di qua diem M (2;3)

2 2 2 2 2 2
A+l B. +2 =1, c. Y A
16 12 16 9 16 16 8

4
Tim phuong trinh chinh tic cia elip néu n6 di qua diém A(6;0) vati sO cua tidu cu v6i do dai

truc 16n bang % .

2 2 2 2 2 2 2 2
A+ g B. -+ 1. c. 1 +2 . p. 2 +2 1.
36 27 6 3 36 18 6 2

N 3\ s < 5 . A r . < R 5 N0 A 5 ‘A 7. A
Tim phuong trinh chinh tac cta elip néu n6 di qua diém N (2;—§j va ti s0 cua tiéu cy voi do
. oopx 2
dai truc 16n bang 3

2 2
Ay Y g B.
4

2 2 2
X +2 o1, c. i oy D.
9 5 6

2
X + 2=
9 3

X X
9 9
Tim phuong trinh chinh tic cia elip néu né di qua diém A(2;\/§ ) va ti sb ciia d6 dai truc 16n
v6i tiéu cu bang

2
5

2 2 2 2 2 2 2 2
A2 o B. 2+ 1. c. L o D. 2+ 2~
16 4 4 3 3 4 4 16
Cho elip (E): x—2+Z—2—1 voi a>b>0. Goi 2¢ 1a tiéu cy cua (E). Trong cac ménh dé sau,
a

ménh dé nao dung?



Cau 47.

Cau 48.

Cau 49.

Cau 50.

A. C =a’ +b°. B. b =a’+¢’. C.a°=b"+c%. D. c=a+b.
Cho elip ¢6 hai tiéu diém F,, F, vacé do dai tryc 16n béng 2a . Trong cac ménh dé sau, ménh

dé nao ding?
A. 2a=FF,. B. 2a > FF,. C. 2a < FF,. D. 4a=FF,.

2 2
Cho elip (E ) : %+% =1. Hai diém 4, B 1a hai dinh cua elip lan lugt ndm trén hai truc Ox,

Oy . Khi d6 do dai doan thang 4B bang:

A. 34. B. /34. C.s. D. \/136.
Mot elip (E) 6 truc 16n dai gap 3 1an truc nhé. Ti s6 e cua tiéu cy véi d6 dai truc 16n bang:
A.ezl. B.ezﬁ. C.ezﬁ. D.e:&.

3 3 3 3

A . r 5 , o~ . 30 A A A 3 A A 5 J s A 5
Mot elip (E ) c6 khoang cach gitra hai dinh ke tiép nhau gap 5 lan tiéu cu cuia nd. Ti sO e cua
tiéu cu voi do dai truc 16n béng:

A. e=—. B.ezz. C.e=—. D.e=—.
5 5

1.B 2.C 3.D 4.C 5.C 6.B 7.D 8.D 9.D 10.C

11.C 12.A 13.B 14.B 15.C 16.D 17.A 18.C 19.A 20.D

21.D 22.C 23.C 24.C 25.A 26.C 27.A 28.A 29.B 30.A

31.D 32.A 33.D 34.D 35.B 36.C 37.A 38.B 39.A 40.D

41.A 42.A 43.A 44.B 45.A 46.C 47.B 48.B 49.D 50.A




CHUYEN PE : PHUONG PHAP TOA PO TRONG MAT PHANG
PUONG ELIP
A.TOM TAT LY THUYET
1)Dinh nghia: Cho hai diém c6 dinh F,, F, véi F,F, = 2¢(c > 0) vahingsé a > c. Elip(E) la tp hop
cac diém M thoa man MFE + MF, = 2a.
Cac diém F, F, la tiéu diém cta (B). Khoang cach FF, = 2c latiéu cy cta (E). MF,, MF, dugc goi la
ban kinh qua ti€u.
2) Phuwong trinh chinh tic ciia elip:
Véi F (—c;0), F,(¢0):
> o
M(a:;y) € (E) & x—2+‘Z—2 =1 (1) trong do

a
(1) duoc goi la phwong trinh chinh tic cua (E)

3) Hinh dang va tinh chit ciia elip:

Elip c6 phuong trinh (1) nhéan céac truc toa dd 1a

truc doi xtmg va goc
toa do lam tam doi xing.

Hinh 3.3
+ Tiéu diém: Tiéu diém trai F, (—c;0), tiéu diém phai F, (c;0)
+ Cacdinh: 4 (—a;O), A, (a;O), B, (O;—b), B, <0;b)

+Truclén: AA, = 2a, nam trén truc Ox; truc nhod :B B, =2b, nam trén truc Oy

+ Hinh chit nhat tao boi cac dudng thing z = +a,y = +b goi 14 hinh chit nhdt co s6.

A . C
+Tamsal: e =— <1
a

+ Bén kinh qua tiéu diém ctia diém M (z,;;y,, ) thudc (E) la:

c c
ME:a+exM:a+gxM,M172 :a—e:vM:a—gxM

BAI TAP TRAC NGHIEM
Cau 1. Khai niém nao sau day dinh nghia vé elip?

A. Cho diém F cb dinh va mot dudng thang A c6 dinh khong di qua F . Elip (E) la tap hop
cac diém M sao cho khoang cach tr M dén F bang khoang cach trt M dén A.

B. Cho F, F, cb dinh véi FF,=2c, (¢>0). Elip (E) 1a tip hop diém M sao cho
|MF, = MF,|=2a voi a lamét s6 khong déi va a <c.

C.Cho F, F, ¢6 dinh v6i FF, =2c, (c¢>0) vamot do dai 2akhong doi (a>c). Elip (E) 1a
tap hop cac diém M sao cho M €(P) < MF, + MF, =2a.

D. Ca ba dinh nghia trén déu khong dung dinh nghia cua Elip.
Loi giai
Chon C
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Cau 2.

Cau 3.

Cau 4.

Cau 5.

Dinh nghia vé Elip 1a: Cho F,, F, cb dinh v6i FF,

=2c, (¢>0) va mot d6 dai 2a khong doi

(a>c). Elip (E) 1a tap hop cac diém M sao cho M e(P)<:>MF1 +MF, =2a.

sau day sai?

Dang chinh tic cta Elip 1a
xZ 2 x2 2
A—+z—2:1. ?—2—2:1 C.y" =2px. D.y=px’.
Loi giai
Chon A
Dang chinh tic cua Elip la Z—Z =1. (Céac ban xem lai trong SGK).
2 2
Cho Elip (E) c¢6 phuong trinh chinh tic 1a -+ 2}_2 =1, véi a>b>0. Khi d6 khing dinh nao
a
sau day dung?
A.Néu > =a* +b° thi (E) c6 cac tiéu diém1a F, (¢;0), F,(-¢;0).
B.Néu ¢ =@’ +b” thi (E) c6 céc tiéu diem 1a F,(0;¢), F,(0;—c).
C.Néu ¢? =a* —b* thi (E) c6 céc tiéu diém 1a K (c,O), F, (—c;O).
D. Néu ¢ =a* —b* thi (E) c6 céc tiéu diém 1a K (O,c), F, (0;—0).
Loi giai
Chon C.
Xem lai sach gido khoA.
’ xz 2 5
Cho Elip (E ) c6 phuong trinh chinh tac 1a —2+Z—2 =1, véi a > b >0. Khi d6 khang dinh nao
a
sau day dang?
A.Véi ¢? =a® —b* (¢>0), thm sai cha elip 12 e = <
a
B.V6i ¢’ =a’ -b* (¢>0), tam sai cua elip 1a e= a
c
C.Véi ¢ =a®—b* (¢ >0), thm sai cia elip 1a e = _£
D.Véi ¢’ =a’ -b’ (c > 0) ,tdmsaicuaelipla e=——
Loi giai
Chon A
Xem kién thurc sach gidao khoA.
Cho Elip (£) c6 phuong trinh chinh tic la —+Z—2 =1, v6i a>b>0. Khi d6 khang dinh nao
a

A. Toa d@0 cac dinh nam trén truc I6n 1a 4, (a;O) , 4 (—a;O) .

B. Toa d¢ cac dinh ndm trén truc nho 1a B, (0;6), 4, (0;-b).
C.Véi ¢t =a® —b* (¢ > 0), do dai tiéu ey 1a 2c.
D. Véi ¢ =a® —b* (¢ >0), tAm sai cia elip la e=2
C
Loi gidi

Chon D.

. . . a
Véi ¢* =a* —b* (¢>0), thm sai cha elip [a e=—.
C
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v’

Cau 6. Cho Elip (E) c6 phuong trinh chinh tic la —+b—2—1, voi a>b>0 va ¢* =a’ b’ (¢>0).

a
Khi d6 khang dinh nao sau ddy dung?

A. V6 M(x,;y,)e(E) va cic tieu diém 1a F(-c;0),F,(c;0) thi MF, =a+=2,
a
MF, =+
a
B. V6i M(x,;y,)e(E) va cic tiu diém 1a F(-¢;0),F,(c;0) thi MF =a—<22,
a
MF, _ g4
a
C. V6i M(x,;y,)e(E) va cic tiu diém 1a F(-¢;0),F,(c;0) thi MF =q—=24
a
MF, :a_c.xM
a
D. V&i M(x,;y,)e(E) va cic tieu diém 1a F (-c;0),F)(c;0) thi MF, =a+=2,
a
MF, _ g
a
Loi giai
ChonB
Xem lai kién thirc sach gido khoA.
2 2

Cau7. Cho Elip (E) ¢6 phuong trinh chinh tic 1a %+Z}—2=l, véi a>b>0 va > =a’ b’ (c > O).

Khi d6 khang dinh nao sau ddy dung?
A. Céc dudng chudn ciia (E) 1a A, :x+5=0 v A, :x—==0, véi (e 1a thm sai ctia (E)).
e e

. Lo \ 2 \ a a N s ea -2 \
B. Elip (£) c6 cac dudng chuan [a A :x+—=0, A,:x——=0 va c6 cdc tiéu diém la
e e

(cO) (cO) thi MF, = M, >1.

(M) d(M§A2)

C. Elip (E) cb cic dudng chudn 1a A, :x+2=0, A,:x—==0 va c6 cdc tiéu diém la
e e
F(~¢;0), F, (¢;0) thi 5 - M _a

(M:,) d(M A7)

D. Elip (E) c6 céc dudng chudn 1a A :x+2=0, A,:x-2=0, cic tiu diém la
e

e
F(~¢;0), Fy (:0) va A _ MFy g
Yoray  dorsy)
Loi gidi
Chon A.
Xem lai sach gido khoA.

2 2

Cau8. Cho elip (E)x—2+)b/—2 =1 va duong thang A: Ax+ By +C =0.Diéu kién can va du dé duong
a

thang A tiép xuc voi elip (E ) la
A.a’A+b°B* =C". B.a’A*-b’B>=C".
C.-a’A*+b°B* =C’ p.b’B>=a’ A4 +C?
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Loi giai
Chon A.
Ly thuyeét.
2 2
Cau 9. Elip (E): % + y? =1 c6 tim sai bang bao nhiéu?

4
A.—. B.é. C.é. D.g.
5 4 3 5
Loi gidi
Chon A.
2 2
Phuong trinh chinh tic cua elip c6 dang (E):%+Z;—2 =1 (a,b>0).
a’ =25 a=5
=b*=9 & 9b=3
cz = az —b2 c=4
4
Vay tam sai cua Elip e = °=z2
a
x2 2 .
Cau 10. DBuong Elip R+y7 =1 c6 tiéu cy bang :
A.3. B.6. C.i. D.g.
16 7
Loi gidi
Chon B.
2 2
Phuong trinh chinh tic cua elip ¢6 dang (E)x—2+z—2 =1 (a,b>0).
a
=b* =7 o ib=A1.
ct=a*-b* c=3

Vay: Tiéucu cua Elip FF,=2c=23=6.
Cau 11. Trong mat phéng v6i hé truc toa dd Oxy, cho elip (E ) c6 d0 dai truc 16n bﬁng 12 va @6 dai

tryc bé bang 6. Phuong trinh nio sau dy 1a phuong trinh cta elip (E )

x2 2 x2 2 x2 2 x2 2
A Y B.+2 1. c. X . D> +Y —p
144 36 9 36 36 9 144 36

Loi giai
Chon C.

2 2
Phuong trinh chinh tic cta elip c6 dang (£) :x—+z—2 =1 (a,b>0).
2

2

Q

2
Taco a=6, b=3, vay phuong trinh cia Elip la: ;—6+%:1.

. : oy 1 .
Cau 12. Tim phuong trinh chinh tac cua Elip c6 tdm sai bang 3 va truc 16n bang 6.
2 2 2 2 2 2 2 2
A Y oy, B +L =1, i X o p.2+ 2 1.
9 3 9 8 6 5

Chon B.
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Phuong trinh chinh tic ciia Elip c6 dang —+ Y =1 (a>b>0).
a’

b

otk 1 1
Theo gia thiét: e=§:>£=—:>a=30 val2a=6<a=3=c=1
a
Khido: a* =b*+c* =3 =b*+1 < bh =8 =b=22

2 2

Vay phuong trinh chinh tic cta Elip 1a: % + y? =1.

Cau 13. Tim phuong trinh chinh tic ctia Elip c6 mot dudng chuan 1a x+4=0 va mot tiéu diém la

(-10).

2 2 2 2 2 2
A+ o, A A D.2+2 =
4 3 16 15 16 9
Loi giai
Chon B.
Phuong trinh chinh tic cia Elip c6 dang )b/—zzl (a>b>0).

Theo gia thiét: Elip c6 mot duong chuan 1a x+4=0 nén a=4 va mot tiéu diém la diém

(-1,0) nén ¢=1.Do d6: b=+va’ -¢* =15 .

2 2

Vay phuong trinh chinh tic cta Elip 1a: f_6 + T—S =1.

Céu 14.  Tim phuong trinh chinh tic ciia Elip ¢6 tiéu cu bang 6 va di qua diém 4(0;5).

2 2 2 2 2 2 2 2
LIRS B2 +2 =1, c.+2 o1, ) JELMA
100 81 34 25 25 9 25 16

Loi giai
Chon B.

2 2

Phuong trinh chinh tic cua elip c6 dang x_2 +;;—2 =1 (a,b>0).
a

2 2

Theo gié thiét: 2c =6 <> ¢ =3. Vi 4(0;5) e (E)nén ta c6 phuong trinh: 0—2+Z—2:1<:>b:5.
a

Khido: a*=b*+ct o d* =5+ od’ =34 a=1/34.
2 2

Vay phuong trinh chinh tic cta Elip 1a: ;—4 + ;—5 =1.

Cau 15. Cho Elip c6 phuong trinh : 9x? +25y* =225 . Luc d6 hinh chit nhat co s& c¢6 dién tich bang

A.15. B. 40. C.60. D. 30.
Loi giai
Chon C.

2 2
9x?+25)? =225 >4+ 2 =1,
25 9
Tur day, ta dugc a =5, b =3. Dién tich hinh chit nhat co sé 1a S =2a.2b =60.
2 2

Cau 16. Cho Elip (E): f—6+ % —1.V6i M 1a diém bit ki nim trén (E), khing dinh nao sau day 1a

khang dinh dung ?
A.4<OM <5. B.OM >5. C.OM <3. D.3<OM <4.
Loi giai
Chon D.

2 2

Tu(E): f—6+%:1,suyra a=4,b=3.
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Cau 17.

Ciu 18.

Cau 19.

Cau 20.

Véi mot diém bat ki trén (E), taludn cé b<OM <a=>3<OM <4,

Tim phuong trinh chinh tic cta Elip c6 truc 16n gip dbi truc bé va cé tiéu cu bang 43
2 2 2 2 2 2 2 2
A2 o, B.+2 1. c+X o1, D.+2 —1.

36 9 36 24 24 6 16 4
Loi giai
Chon D.
2 2
Phuong trinh chinh tic ciia Elip c6 dang x—2+)b/—2 =1 (a>b>0).
a

Theo gid thiét: 2a=2.2b < a=2bva 2c =43 < c=23
Khido: a* = +¢* < (2b) =b* +12 = 30*-12=0 & b=2=a=4.
2 2

Vay phuong trinh chinh tic cta Elip 1a: ic_6 + yT =1.

Cho elip (E):x” +4y* =1 va cho cac ménh dé:
(I) (E) ¢6 truc 16n bang 4 (II) (E) ¢6 truc nho bang 1
(1) (E) c6 tiéu diém F, (o;?] (1V) (E) ¢6 tidu cu bing /3
Trong cac ménh dé trén, tim ménh dé dang?
A.(1). B.(II) va (1V). C.(1) va (III). D.(1V).
Loi giai
Chon B.
2 2 a2 =1 a= 1 \/§
(E):x*+4y* :1<:>XT+yT:1 = ’ 1= . 1 =>c=+a’-b* =
4 4 2

Vay, (E) c6 truc 16n bing 2a =2, 6 truc nhd bang 2b =1, ¢6 tiéu diém F, [—?;OJ, co tiéu

cu bang 2¢ = 3.
Phuong trinh chinh tic ctia Elip ¢ truc 16n gip doi truc bé va di qua diém A(2; —2) la

2 2 2 2 2 2 2 2
A2 o B.+2 =1 c.+X -1 D.+2 —1.
24 6 36 9 16 4 20 5
Léi gidi

Chon D.
2 2
Phuong trinh chinh tic cua elip ¢6 dang%JrZ—z =1 (a,b>0).
Theo dé bai, ta duoc hé
_ 2 a2 2 412
a—2b a —4b a —4b a2:20 x2 y2
4 4 S94 4 195 S Suyra: (E):—+—=
a—2+b—2:1 ?+b—2:1 b_2:1 b~ =5 20 5
2 2
Puong thang nao dudi day la 1 duong chuan cua Elip ;—0 + i}_S =1
Ax+4/5=0. B.x-4=0. C.x+2=0. D.x+4=0.
Loi giai
Chon A
2 2
Taco: 4+ =
20 15
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Cau 21.

@’ =20 a=25
—=Jp> =15 = db=4/15
c=a’-b’ c:\/g

2 2 2
Vay duong chuén cua Elip SR AR S x:izziizii:_§:i4ﬁ:xi4ﬁ:0
20 15 e < c JE
a

2 2

Cho Elip (E):ic—6+i}—2=1 va diém M nam trén (E) Néu diém M c6 hoanh d¢ bang 1 thi

cac khodng cach tir M t6i 2 tiéu diém cta (£) béng :

Cau 22.

Cau 23.

Cau 24.

Ad+42. B.3 va 5. C.3,5va 4,5. D.4ig.
Loi giai

Chon C.

Tac():a=4;b=x/§:c=2.

Str dung cong thirc ban kinh qua tiéu MF, = 4—% =3.5, MF, = 4+% =4,5.

2 2
Cho elip (E) : %4‘%:1 va cho cac ménh dé :
(D) (E) c6 tiéu diém F, (- 3;0) va F,(3; 0).
. c 4
Il) (£) c6tisdO —=—.
(1D (E) =3
(1) (E) c6 dinh 4 (-5; 0).
(IV) (E) c6 do dai truc nhé bang 3.
Trong cac ménh dé trén, ménh dé nao sai ?
A.Tvall. B.IIvalll. C.Ivalll D.IVval

Loi giai
Chon C. .
Tu phuong trinh cta elip, tacé a=5, b=3, ¢ =4 suy ra caic ménh dé sai la (I) va (IV).
Puong thang qua M(l ;l)vé cat elip (E) : 4x>+ 9y® = 36 tai hai diém M,, M, sao cho

MM, = MM, c6 phuong trinh la:

A2x +4y - 5=0. B.4x + 9y — 13 = 0.

Cx+y+5=0. D.16x — 15y + 100 = 0.
Loi gidi

Chon B.

] ] . " . X +x,=2
Goi M, (xl;yl);M2 (xz;yz). Taco M la trung di€ém cia M, M = .
yty,=2
C|4x?+ 9y’ = 36
Ta co 12 12 :>4(x2—xl)+9(y2—yl)20
4x°+ 9y~ = 36
Vay 1;(4;9) la vecto phap tuyén cia M M, .
Vay phuong trinh M M, 1a: 4x + 9y — 13 = 0.

. . ) 12 ) . .
Mot elip c6 truc 16n bang 26 , tdm sai e = 3 Truc nho cua elip c6 do dai bang bao nhiéu?

A.10. B.12. C.24. D.5.
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Loi giai
Chon A.

2 2
Phuong trinh chinh tic cia elip c6 dang (E ) : x—2+

=1 b>0).
: (a.b>0)

%<

12
bo dai truc 16n 2a =26 = a =13, tam sai e=E:>c=l2.Trucnh6 2b=2a’-c* =10.

2 2
Cau 25. DBuong Elip x? +y7 =1 ¢6 tiéu cy bang :
A.2. B.4. C.9. D.I1.
Loi giai
Chon B.
Taco c=2=2c=4.
2 2
Cau 26. Cho Elip (E): 1%+12—4 —1 vadiém M nim trén(E). Néudiém M c6 hoanh do bing 13
thi céc khoang cach tr M t6i 2 tiéu diém cta (£)béng :
A.818. B.13%4/5. C.10;16. D.13+4/10.
Loi gigi
Chon A.

Taco a=13,b=12=c=5

Viy MF =a+<x, =18; MF,=a-—x, =8.
a a
Cau27. Cho elip c6 phuwong trinh 16x* + 25y” =100. Tinh téng khoang cach tir diém thudc elip c6
hoanh d¢ x =2 dén hai tiéu diém.
A.10 B.2V2 C.5 D.4/3
Loi giai
Chon C.

2
2 2

2
Phuong trinh chinh tdc cta elip c6 dang (£) A (a,b>0).

Q
oy

Tacé:az%, b=2, c=\/g.

J6 5 6

str dung cong thire ban kinh qua tiéu MF, =§—7.2 , MF, = §+—.2

2
ME + MF, =5
Cau 28. Tim phuong trinh chinh tic ciia Elip c6 mot dinh cua hinh chit nhat co so 1a M (4;3) .
2 2 2 2 2 2 2 2
S A B -2 -1 .l +L =1 D.2+2 =1
16 9 16 9 16 4 4 3
Loi gidi
Chon B.
2 2
Phuong trinh chinh tdc cta elip c6 dang (£) :x_2+)b/_2 =1 (a,b>0).
a
Mot dinh cua hinh chit nhat co s¢ 1a M (4;3),suyra a=4, b=3.
2 2
Phuong trinh (E):x—+y—:1.
16 9

2 2
Ciu 29. Puong thiang y = kx cit Elip x_2 + ;:—2 =1 tai hai diém
a

A.Déi xting nhau qua truc Oy . B.Ddi ximg nhau qua truc Ox .
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C.Déi xtmg nhau qua gdc toa do O. D.Dbi ximg nhau qua duong thang y =1.
Loi gidi
Chon C. i ) i
Puong thang y = kx 1a duong thang di qua goc toa do nén giao diém ctua dudng y = kx voi
Elip dbi xtmg nhau qua gdc toa do.
2 2

Cau 30. Cho Elip (E):;—5+%:1. Pudng thing (d):x=—4 cit (E) tai hai diém M, N . Khi d6:

A.MNzi. B.MNzﬁ. C.MN=§. D.MN=2.
25 25 5 5

Loi gidi
Chon C.
Theo gia thiét: x =—4 nén ta c6 phuong trinh:

—4 2 2 2 5
( ) +y—=1<:>y—:i<:>y2=ﬂ<:>
25 9 9 25 25 9 ( 9j
y=—>=N|4——
2
Khi do: MN=\/(—4+4)2+(%+%J =%_

Cau 31. Trong cic phuong trinh sau, phuong trinh nao biéu dién mét Elip c6 khoang cach giira cac

duong chuén 1a ? va tiéu cy bang 6 ?

A.x—+y—:1. B.x—+y—: . C.x—+y—:1. D.x—+y—:1
64 25 89 64 25 16 16 7
Loi giai

Chon C.

2 2
Phuong trinh chinh tic cta elip c6 dang (E) :x_2+)b/_2 =1 (a,b>0).
a
Tiéu cy bang 6 = 2c =6=c=3= Loai A va B.
Puong chuan cua Elip ¢6 dang x + 29 ,ma e= <
e

a
a2

nén duong chuan cua Elip con duge viét dudi dang x+—=0
c

. 25 x 1k .
Tur dap an C suy ra: a =5= céac duong chuan la: x* 3 =0. D¢ thay khoang cach gitra 2

. 50
duong chuan nay la 3

Cau 32. Tim phuong trinh chinh tic cia Elip c6 mot duong chuan 1a x+5=0 va di qua diém (O;—Z)

2 2 2 2 2 2 2 2

A+ o, B +2 1. X o D.-+L =1.
16 12 20 4 16 10 20 16
Loi gidi

Chon B.
2 2
Phuong trinh chinh tdc cua elip cé dang (E) :x—2+ Z—z =1 (a,b>0)
a
2
Elip c6 mot duong chuan 13 x+5=0nén L=5% =547 =5¢
e C
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o2 2 g2 ' 2 B c=1=a*=5
Tacd: c"=a"-b"=c" =5c-4 ¢ -5¢+4=0& .
c=4=a’ =20

2 2
Phuong trinh chinh tic ctia Elip Xy y? =1.
Chu 33. Dudng tron va elip c6 phuong trinh sau ddy cé bao nhiéu giao diém: (C):x* +y* ~9=0,(E) :
2 2
S A
9 4
A. 4. B. 1. C.2. D. 3.
Loi giai
Chon D.
2 2
XAy =9 x’ =9 x=13
Xéthe 12 2 &y, & :
9 4
Cau 34. Viét phuong trinh chinh tic cua elip néu né di qua diém 1a A(O;—2) va mot dudng chuan
x+5=07?
2 2 2 2 2 2 2 2
A +X o1 B+ =1 RARNEANST D+ =1.
29 4 16 12 20 16 16 10
Loi gigi
Chon A.
2
Phuong trinh chinh tic cua elip c6 dang (E) = )b/—z =1 (a,b>0).
a
Do (E) di qua diém 1a A4(0;-2) va c6 mot duong chuan x+5=0 nén ta co
A
b’ b =4
a’ - a*=5c
4 _5 =
c

2 2

Cau 35. Cho elip c6 phuong trinh: f—6+y7 —1. M 1a diém thudc (E) sao cho MF, = MF,. Khi d6 toa

do diém M la:

A.MI(O;I),MZ(O;—I). B.M,(0;2),M,(0;-2).

C.M,(-4;0), M,(4;0). D. M (0,4),M,(0;-4).
Loi giai

Chon B.

2
Phuong trinh chinh tdc cta elip c6 dang (E): x_ RN (a,b>0).

2 2

Q
@‘

Nén a=4; b=2

Vi MF, = MF, nén M thudc duong trung truc cua £ F, chinh la truc Oy
M 1a diém thudc (E ) nén M 1a giao diém cua elip va truc Oy

Vay M,(0;2),M,(0;-2).

Cau 36. Day cungcuaelip (E): x—2+;:—2 =1(0<b<a). vudng goc
a
v6i truc 16m tai tidu diém co do dai la M,
2 2 2
A B.20". c.2e. D.L .
a a C C
Loi giai M,
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Chon B.
Goi day cung d6 1a M M, nhu hinh vé.

2 2 2 2 4 2
Gia sit M, (c;y)(y>0), My e(E)= 42 m1myp=p? C2C 20 o) B
a b a a a
b? 2 2
Khi do, M, [c;—}, M, (c;—b—] > MM, = 2b )
a a a
2 2

Céu 37. Trong mit phing toa dd Oxy cho (E) :f_6+y? =1va hai diém 4(-5;-1), B(-1;1). Diém M
bat ki thugc (£), dién tich 16n nhat cua tam gidc MAB 1a:

A2, B.O. C.%. D.42.
Loi giai

Chon B

Ta co: ZE:(4;2), AB=25.

Phuong trinh dudng thang A diqua 4, B:x—2y+3=0.

M(4c0sg0;\/§sin(p) e(E)(OSgoS 27r).

S s = %AB.d (M,A). Dién tich 16n nhat khi va chi khi d (M,A)16n nhét.

~ ‘4cos¢—2\/§singp+3‘ . ‘4COS(p—2\/§Sin(D‘+3

Ta co: d(M,A) NG NG
2
1[42+(—2\/§) +3 9 1

<d(M,A)< =—.Vay S,z =—ABd(M,A)=9.

( ) \/g \/g ay Oaman ) ( )

A A 3 ’ < 5 . A 3e <R 3 4 N A .
Cau 38. Lap phuong trinh chinh tac cua elip (E ), bictdi qua diem M ﬁ’ﬁ va AMFF, vuong tai M .

2 2 2 2 2 2 2 2
AL o1 B.+2 —1. c.=+X -1 D.+X —1.

9 4 9 36 4 9 36 9

Loi giai

Chon A.

2 2
Phuong trinh chinh tdc cua elip cé dang (E) :x—2+ DA (a,b>0).

2

N
S

1 = 1
Do Elip di qua M nén %+%=I.Lai co6 FMF, =90° <:>OM=EEF2 —coce=A5

9 16

N f A A 1A | T 2T TS o1 A 2 2 x’ yz
Nhu vy ta c6 hé diéu kién { 5a° 5b . Giai hé ta dugc a* =9;b :4:(E):?+T=1'
a’—-b*=5

Cau 39. Lap phuong trinh chinh tic cua elip (E ),Hinh chur nhat co so cua (E ) co mdt canh nam trén

duong thang x—2 =0 va co d6 dai dwong cheo bang 6.
2 2 2 2 2 2 2 2

A.x—+y—:1. B.x—+y—:1. C.x—+y—:1. D.x—+y—:1.
4 16 4 32 32 4 9 36
Loi giai
Chon B.
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2 2
Phuong trinh chinh tdc cta elip c6 dang (£): x—2+;:—2 =1 (a,b>0).
a
Do mot canh cta hinh chir nhat co sé thudc du’d’ng the“ing x—2=0 nén cd a=2.Maitkhac
A+ =6 b =36-4=32 = b=42

2 2

R . L Xy
Vay phuong trinh Elip la —+-—=1.
ay p g p Y

2
Cau 40. Trong mit phang v6i hé toa dd Oxy, cho elip (E):XT+y2 =1 va diém C(2;0) .Tim toa do
cac diém A, B trén (E ) , biét rang hai diém ddi xtmg nhau qua truc hoanh va A4BC la tam giac
déu va diém A c6 tung do duong .

A.A[%; #] va B[g; —ﬂj B.ALE; -#j va B[E; ﬂ)

70 7 707
C.A(2 43) va 4(2 ~43), D.A[—%; #] va B(—%; —ﬂ}

Loi giai
Chon A.
Gia su A(xo;yo)., Do A, B d6i xtng nhau qua Ox nén B(xo;—yo).
Tacod: AB® =4y} va AC* =(x,-2) +y2.
2 2

Vi 4e(E) nén %+y§=1:y§=1—%° (1).

Vi AB=ACnén (x,-2) +y2 =412 (2).

X,=2=y,=0
Thay (1) vao (2) ta duoc 7x; —16x,+4=0< 2 INER
X,=—=>),=ft——
7 7
Vidiém A khac Cva Aco tung do duong nén A(%; g} va B(%; —#]

2 2
Cau4l. Cho elip (E):f—6+%=1 va duong thang d:3x+4y—12=0. Biét rang d luén cit (E) tai
hai diém phan bigt 4,B . Tinh d6 dai doan 4B .
A.AB=5. B.AB=3. C.4AB=4. D.AB=10.
Loi giai
Chon A.

2 2

Ta céd:3x+4y—12=0<:>y=3—%7x, thay vao phuong trinh (E):f—6+y?=l ta dugc

4 5 x=0=y=3
e 7 et e 2y -8 x=0=
16 9 16 16 x=4=y=0
Vay d luén cét (E) tai hai diém phan biét 4(0;3),B(4;0)va do dai AB=5.
Ciau42. N ddi xtng voi M(—ﬁ,%) qua gdc toa do nén N(ﬁ;—%) .Cho Elip (E) c6 céc tiéu diém
F(-4;0),F,(4;0) va mot diém M ndm trén (E) biét rang chu vi clia tam gidc MFF, bang 18

. Lac d6 tam sai cia (E) la:
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A.ez—i. B.ezi. C.ezi. D.e=—
5 9 18 5
Loi giai
Chon D.
2 2
Phuong trinh chinh tdc cua elip cé dang (E) :x—2+ 2}—2 =1 (a,b>0).
a
Theo giai thiét ta c¢6 c¢=4, chu vi cia tam giac MFF, bang 18 nén
MFI+MFZ+FIFZ:2a+20c>2a+2c:18:>a=5:>e:£:%.
a

2

2
Cau 43. Cho elip (E):;—5+%=1 va duong thang d:x-2y+12=0. Tim trén (E) diém M sao cho

khoang cach trr diém M dén duong thang d la lon nhét, nho nhét.

12++/61 12-+61
Ad =—————,dy=————. B.d, =12++/61, d,=12-+/61.
1 \/g 2 \/g 1 2
16 6
Cd=—7,d,=—F. D.d, =16, d,=6.
1 \/g 2 \/g 1 2
Loi giai
Chon A.

i
2 2

(E):2=+2—=1 c6 do dai nira truc 1on @ =5 va do dai nira truc bé b =3

Goi Ala tiép tuyén cua (E) ma A songsong véi d = x—2y+C=0,(C =12).

Vi d:x-2y+12=0 tiép xtic v6i (E) nén taco: 1.52 +(-2)" .32 =C* & C=+61 .
Nén ta c6 hai tiép tuyén cua (E) song song v6i d 1a: A, x—2y++/61=0 va
Alzx—2y—\/6_=0.

Viy khoang cach tir M dén duong thang d la lon nhat 1a: d = %, khoang céch tu
1261

M dén duong thang d la bé nhat 1a: d, = 7

2 2 2 2
Ciud4d4. Cho hai elip (El):%+y7:1 va (Ez):i‘—6+yT=1. Goi (E)N(E,)={4,B,C,D} Lép
phuong trinh duwong tron ngoai tiép hinh chw nhat ABCD .

A11x* +113*-92=0. B.11x’ +11y° =1. C.11x* +11y° +92=0.D.x" + y* =92 =0.
Loi giai

Trang 13/16



Chon A.

2 2
RS R a2
Xét hé 2 4 & >3 .
X'y , 28
16 1 55

Puong tron ngoai tiép hinh chu nhat ABCD ¢6 tdim O va ban kinh
432 28 92
R=\x*+)y’ = |—+2 = =
4 55 55 11
Vay phuong trinh duong tron can tim 1a: x> +y* = % S1IxP+11y° =92 =0.

Cau 45. Trong mit phang véi hé toa dd Oxy, cho elip (£): x* +4y* —4 = 0.Tim tt ca nhitng diem N
trén elip (E) sao cho : FNF, =60°(F1, F2 14 hai tiéu diém cua elip (E))

A.N —ﬂ;—éj hoiac N(—#;%] hoiac N(#;—%} hoiac N(#,l]

3 3
B.N —ﬂ;—l hodac N —ﬂ;l hodac N ﬂ,l .
3 3 3 3 3 '3

C.N —ﬂ;l hodc N ﬂ;—l hodc N ﬂ,l .
3 3 3 3 3

D.N —ﬂ;—éJ hoic N{g,lj

Loi giai
Chon A.
- (E):%+y2=1:>a2=4,b2=1©c2:3:>c=\/§.
X, +4y; =4
-Goi N(xy;¥,)€(E)={MF, :2+§xo; MF, =2—€xo.Xét tam giac F,MF, theo hé thurc
FF, =23

lugng trong tam gidc ta c6: (FF,)’ = ME? + MF}? —2MF,MF,cos60° <

= (2\/5)2 =(2+§on2 +(2—§x0}2 —[2+§xoj(2—£x()}

2
L 42 I
(N 0o~ %
2 4 4 9 a2 9
Xy =— Yo =7
3 3

Viy c6 tit ca 4 diém thoa

N —ﬂ;—l hoic N —ﬂ;l hodc N ﬂ;—l hodac N ﬂ,l .
3 3 3 °3 3 3 3 °3

2 2

Cau 46. Viét phuong trinh tit ca cac tiép tuyén cua elip (E ): f—6+y?=1, biét tiép tuyén di qua
diem 4(4;3).
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Cau 47.

Cau 48.

Cau 49.

A.d:y-3=0vad:x—4=0. B.d:y-3=0vad:x+4=0.

C.d:y+3=0vad:x-4=0. D.d:y+3=0vad:x+4=0.
Loi giai

Chon A

- Gia st duong thing d co véc to phap tuyén 7 =(a;b) qua A(4;3) thi d co phuong trinh
1é:a(x—4)+b(y—3)=0 (*) , hay: ax+by—4a-3b (1) .

-Dé d latiép tuyén cua (E) thi diéu kién can vadila: a®.16+529 = (4a+3b)’
a=0d:y-3=0

b=0=d:x—4=0

2 2

Trong mat phang v6i hé toa do Oxy cho elip (E):%+y7:1 va hai diém A(3;—2),

< 16a* +9b* =16a* +24ab+9b* < 24ab=0= {

B (—3;—2) Tim trén (E ) diém C sao cho tam giac ABC c6 dién tich 16n nhat.

A.C(O;3). B.C(O;Z). C.C(3;0). D.C(2;O).
Loi gidi
Chon A.
- A,B c6 hoanh d6 1a hoanh d6 cta 2 dinh cua 2 ban truc 1én ctua (E ) , chiing nam trén duong
thang y+2=0. C c6 hoanh d6 va tung d6 dwong thi C nam trén cung phan tu thir nhat
- Tam gidc ABC ¢6 AB =6 cb dinh. Vi thé tam giac c6 dién tich 16n nhit khi khoang cach tir
C dén AB 16n nhat.
- D& nhan thay C tring véi dinh cta ban truc 1on (0;3).
Trong mat phéng Oxy, cho hai diém K (—4;0) , F, (4;0) va diém A(0;3) . Piém M thudc

(E)nao sau day thoa MF, = 3MF, .

AM —é;—551 . B.M é;—551 . C.M —é;——551 .D.M 2;—551 .
8 8 8 8 8 8 4 4
Loi giai
Chon B
x2 2
-Giasu (E): =

+=>=1(1). Theo gia thiét thi : c=4 < ¢’ =16 =a’-b*(2)

Q
e

2
- (E) qua A4(0;3) suyra: bi—1<:>b2 =9, thay vao (2) taco a’ :25:>(E):%+y—:1

- =

9
X, Y. .
-M thude (E) = M (x,;v,) <:>2—°5+?°=1 (3). Theo tinh chat cua (E) ta c6 ban kinh qua tiéu
MF, :5+%x0, MF, :5—§x0 = MF, =3MF, <:>5+§x0 =3(5—%x0j = X, :%' Thay vao
V551
(3) taco y; :58—521:>y0 =+ 585 :

2 2

Trong mit phang Oxy cho (E) c6 phuong trinh : % + yT =1 . Khang dinh nio sau day ding?

A.OM? + MF,.MF, 1a mot s khong doi véi F, F, 1a hai tiéu diém ciia (E) va M e(E).
B.F (O;—\/g),F2 (O;\/g) 1a cac tiéu diém cua (E).
C. Do dai truc 16n 1a 18.
D. Céc dinh nim trén truc lén 1a 4, (0;3) va 4, (0;-3).
Loi giai
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Chon A
D¢ dang thay duoc B, C, D 1a cac dap an sai.
2

2
Phuong an A: Goi M(xo;yo)e(E):%’+JjT°:1(*)

- Theo cong thirc ban kinh qua tiéu :

D

:MF‘:?H_T)CO MF;:3—TXO:>MFI.MF;: 3+TXO é

—X, |=9——x
9

2
0

4 2 2 2
- Vay : OM? + MF MF, =x§+y§+9—%x§ =9+%+y§ =9+4(%°+%°j=9+4=13.

2 2

Cau 50. Trong mit phing Oxy cho (E) c6 phuong trinh: %+y7 =1 .C6 bao nhiéu diem M thudc(E)

nhin doan FF, dudi mot goc 60° ? (Biét rang F, F, 1a céc tiéu diém cua elip).

A. 1. B. 2. C.3. D. 4.
Loi gidi
Chon D
Taco: = MF, :3+§XO,MF2 =3—§x0 = MF,.MF, :£3+§x0](3—§x0]=9—2x§

- Theo hé thic ham sb cos ta ¢6 :
& (FE) = ME? + MF? - 2MF,MF,c0s60° = (MF, + MF, )’ —3MF,MF,

@(2\/5)2 =62 —3[34‘?)(0}(3—?)(0]=36—3(9—§x3j:9+§x§

/ 2
<:>20:9+§x02<:>x§:£:>x0:i 165:>y§=i(9— 3):i(9_£j=£
3 5 5 9 9 5 9
43
:>y0=iT.

- Nhu vay c6 4 diém thoa man.
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PHUONG TRINH DUONG ELIP

Vén dé 1. CHO PHUONG TRINH ELIP, HOI CAC THONG SO

2 2

Céu 1. Elip (E) :%+% —1 ¢6 d¢ dai truc 16n bing

A. 5. B. 10. C. 25. D. 50.

Céu 2. Elip (E):4x” +16y” =1 c6 d6 dai tryc 16n bang:

A. 2. B. 4. C. 1. D.

N | —

Céu 3. Elip (E):x* + 5y =25 ¢6 do dai truc 16n bang:

A. 1. B. 2. C.5. D. 10.
x2 y2 .
Cau 4. Elip (E):——+=—=1 ¢6 d¢ dai truc bé bang:
100 64
A. 8. B. 10. C. 16. D. 20.

2
Cau 5. Elip (E) X437 =4 ¢6 tong do dai truc 16n va truc bé bing:

16
A. 5. B. 10. C. 20. D. 40.
Céu 6. Elip (E) X2 1 oo tiew cu bang:
25 16
A3. B. 6. C.9. D. 18.

2 2

Cau 7. Elip (E) :% +y7 =1 ¢6 tiéu cu bang:

A 5. B. 5. C.10. D. 245

2 2
y
7

Cau 8. Elip (E):
q

=1,v6i p>gq>0 cb tiéu cu bang:

“mN|><

A. p+g. B.p—gq. C. p>—q°. D. 2\Jp*-q".

2 2
Cau 9. Elip (E) :1x—0 + ?’:—6 =1 ¢6 mot dinh nam trén tryc 16n 1a:

A. (100;0).  B.(-100;0).  C.(0;10). D. (~10;0).




2 2
Cau 10. Ehp( )f—6 i}—z

=1 c6 mot dinh nam trén truc bé 1a:
A. (40).  B.(0;12). C.(0:243).  D.(40).
Xz 2 5
Cau 11. Elip (E): 7 +% —1 6 mot tiéu diém la:

A. (0;3). B. (0;6). C.(—30).  D.(30).

Céu 12. Cip diém nao 1a cc tiéu diém cua elip (E) :x? + y? =1?

A. F(-10) va F,(1;0). B. F(-3;0) va F,(3;0).
C. F(0;-1) va F, (0;1). D. F(-2:0) va £,(2:0).
2 2 ) .
Cau 13. Elip (E):E-i_%:l' Ti s0 e cua ti€u cy va do dai truc 16n cua elip bang:
A.e=1. B.ezﬂ. C.ezz. D.e:i
4 4
Cau 14. Elip (E) % yT—l.Ti sO f clia do dai truc 16n va tiéu cu cia elip bang:
3 3 2 V5
A f==. B. f=—. C. f==. D. f=—.
/=3 f NG f 3 f 3

2 2
Cau 15. Elip (E) :f_6 + % =1.Tisd k cua tiéu cy va d6 dai truc bé cua elip bang:

A. k=8. B. k=+/8. C.k=1. D. k=-1.

2 2

Cau 16. Cho elip (E ) :% + % =1. Trong cac khiang dinh sau, khang dinh nao sai?

A. (E) c6 céc tiéu diem F,(—4;0) va F,(4;0).

e
B.(E) cotisO —=
()co1soa

W |

C. (E) c6 dinh 4 (-5;0).

D. (E) c6 do dai truc nhoé bﬁng 3.



Céu 17. Cho elip (E):x* +4y* =1. Khang dinh nao sau day la ding?

A. Elip c6 tiéu cu bang J3. B. Elip c6 truc nho bang 2.

C. Elip c6 mot tiéu diém 1a F(O;g} D. Elip c6 tryc 16n bang 4.

Céu 18. Cho elip (E):4x* +9y” =36. Tim ménh d¢ sai trong cdc ménh dé sau:

A. (E) c6 truc 16n bang 6. B. (E) ¢6 truc nho bang 4.

C. (E) c6 tiéu cy bang V5. D. (E) cotisd £ = Vs
a

Van dé 2. LAP PHUONG TRINH ELIP
Cau 19. Phuong trinh cua elip (E ) c¢6 d6 dai truc 16n bang 8, d6 dai truc nho bang 6 1a:

A. 9x* +16y° =144. B. 9x> +16)% =1.

x2 2 x2 2
C.—+y—:1. D.—+y—:1.
9 16 64 36

Céu 20. Tim phuong trinh chinh tic cta elip c6 tiéu cy bang 6 va truc 16n bang 10.

x2 2 X2 2 x2 2 x2 2
A+Z 1B+ X1 o -L -1 b+ X1
9 100 81 25 16 25 16
Céu 21. Elip c6 d¢ dai truc 16n 1a 10 va c¢6 mot tiéu diem F(-3;0). Phuong trinh chinh tic cua elip
la:
xz 2 x2 2 x2 2 x2 2
A+ =1, B.—+X =1. c.+Z=1.p. 2+ =1,
25 9 100 16 100 81 25 16
Cau 22. Elip ¢6 do dai truc nho 1a 446 va c6 mét tiéu diém F (5;0). Phuong trinh chinh tic cta elip
la:
2 2 2 2 2 2 2 2
LIRS Ay LIRS AR T oA AR T | e A )
121 96 101 96 49 24 29 24
Céu 23. Elip c6 mt dinh 1a 4(5;0) va c6 mét tiéu diém £, (—4;0). Phuong trinh chinh tc ctia elip la:
2 2 2 2 2 2
JNELRARSY Y NN AR W op-R A U ) A )
25 16 5 4 25 9 5 4

Cau 24. Elip c6 hai dinh 1a (—3;0); (3;0) va ¢0 hai tiéu diém 1a
cua elip la:

e

~1;0);(1;0). Phuong trinh chinh tdc




2 2 2
Ayl B2y Yo i po o
9 1 8 9 9 8 1 9

Céu 25. Tim phuong trinh chinh tic cta elip néu truc 16n gip dbi truc bé va cé tiéu cy bang 413

2 2 2 2 2 2 2 2

A. f—6+y—:1. B.—+2=1. C.+2-1. p.=—+L-1

4 36 9 "36 24 24 16

Cau 26. Lap phuong trinh chinh tic cla elip biét d6 dai truc 16m hon do dai truc nho 4 don vi, do
dai truc nhé hon d96 dai tiéu cu 4 don vi.
x2 2 x2 2 x2 2 x2 2
AL o B.+X -1 ¢ X+l oip il o
64 60 25 9 100 64 9

Céu 27. Lap phuong trinh chinh tic cua elip biét ti sb giita d6 dai truc nho va tiéu cu bang J2,
tong binh phuong d6 dai truc 16n va tiéu cy bang 64.
2 2 2 2 2 2

2 2
Ay B2y Yo i poiidog
128 8 12 12 4 8 4

Cu 28. Elip c6 mot tiéu diém F(-2;0) va tich do dai truc 16n véi truc bé bang 12+/5 . Phuong trinh
chinh tic ctia elip 1a:

2 2 2 2 2 2 2 2
A2 B. +2 =1 GINIRAS T ) W

A — = 4z 4L

"36 20 144 5 7 7745 16
Céu 29. Lap phuong trinh chinh tic cta elip c6 do dai truc 16n bang 26 va ti s6 cua tiéu cy v6i do
dai truc 16n bang %

2 2 2 2 2 2 2 2

ARSI " S AR DU o A T | Y e

. . . —+—=1. s — +—=11]. . —+ —
26 25 169 25 52 25 169 5

Céu 30. Lap phuong trinh chinh tic cua elip c6 d6 dai truc 16n bang 6 va ti s6 cua tiéu cu v6i do

dai truc 16n bang %

2 2
A+ By i p Ao
9 8 9 5 6 5 9 3

Céu 31. Lap phuong trinh chinh tic cta elip c6 do dai truc nhé bang 12 va ti s6 cua tiéu cy v6i do

dai truc 16n bang %

2 2 2 2 2 2 ,
A4 g B.+Y -1 il o1p Xy

36 25 25 36 64 36 100 36

Cau 32. Elip c6 té)ng do dai hai truc b?mg 18 va ti sd cua tiéu cu véi d6 dai truc 16m béng % Phuong

4



trinh chinh tic cua elip 14:

2 2 2 2 2 2
A+l 1B+ Lo o =+X-1n pEro
25 16 5 4 25 9 94

NS

Cau 33. Elip co téng do dai hai truc bﬁng 10 va ti sd cua tiéu cu véi do dai truc 16n béng 3
Phuong trinh chinh tic cta elip la:

2 2 2 2 2 2 ,
A+ Bt o eyl prirog
25 16 5 4 25 9 9o 4

Céu 34. Lap phuong trinh chinh tic cta elip, biét elip di qua hai diém A(7;0) va B(0;3).

2 2 2 2 2 2 2 2
A2+ X -1 B. Lo C.+2 D. =2 1

40 9 16 9 9 49 49 9

Cau 35. Elip di qua cac diém »(0;3) va N

3;—%] c¢6 phuong trinh chinh tic la:

2 2 2 2 2 2 2 2
A+ 2 o1 B2 o, C. 2 4+2 1. AN
16 9 25 9 9 25 25 9
Cau 36. Elip di qua cac diém 4(0;1) va N 1;? c6 phuong trinh chinh téc 1a:
2 2 2 2 2 2 2 2
A2+ 2 o1 B2 o C.2 2 1. D. L2 1.
16 4 8§ 4 4 1 2 1

Cau 37. Tim phuong trinh chinh tic cia elip néu n6 c6 truc 16n gap doi truc bé va di qua diém
M(2;-2).

2 2 2 2 2 2 2 2
A2 +2 —1 B, X2 1 Cc. XX D. X+ 1.
20 5 36 9 24 6 16 4

Cau 38. Tim phuong trinh chinh tac cta elip, biét elip c6 tiéu cu bang 6 va di qua 4(5;0).

2 2 2 2 2 2
A Y 1 B.EA+2 C. 2 +2 D. X 42 _

25 16 25 16 25 9 *100 81

Céu 39. Tim phuong trinh chinh tic cua elip, biét elip c6 tiéu cu bang 243 va di qua A(2;1).

2 2 2 2 2 2 2 2
A2 o B.EX o C.4+2 -1 D. 242 —1.
12 4 16 4 18 4 20 4

Cau 41. Elip qua diém M [2;%] va cb6 mot tidu diém F(—2;0). Phuong trinh chinh tic cua elip la:




2 2 2 2 2 2 2 2
A2 1 B. X2 . C. 2 1. D. 22 1.
9 9 "4 25 16 25 9

Cau 42. Phuong trinh chinh tic cta elip ¢6 hai tiéu diém £ (-2;0), F, (2;0) va di qua diém M (2;3) la:

2 2 2 2 2 2 2 2
A 242 1 B, X2 g C. X412 . D. 22 1
16 12 16 ' 9 16 4 16 ' 8

Cau 43. Tim phuong trinh chinh tic cia elip néu no di qua diém 4(6;0) va ti s6 cia tiéu cu voi do
dai truc 16n bang % .

2 2 2 2 2 2 2 2
A2+ 1 B. A2 o1 C. 2 +2 1 D. L +2 1.
36 27 6 3 36 18 6 2

Ciau 44. Tim phuong trinh chinh tic cta elip néu né6 di qua diém ~ [2;—%] va ti s6 cua tidu cu véi do
dai truc 16n bang % .

2 2

2 2 2
A. %+%:1. B. %+y?:1. C. %+%:1. D. x—+%:1.

Céu 45. Tim phuong trinh chinh tic cta elip néu n6 di qua diém A(2;«/§) va ti s6 cua d6 dai truc 16n

v6i tiéu cy bang 2
v \/g'
2 2 2 2 2 2 2 2
A+ 2 o1 B2 o C.2+2 1 D. 22 1
16 4 4 3 3 4 4 16

Van dé 3. CAU HOI VAN DUNG

2 2 \
Cau 46. Cho elip (E):x—2+Z—2:1 V01 a>b>0. Goi 2¢ 1a tiéu cy cua (E). Trong cac ménh dé sau,
a
ménh dé nao dung?
A. ?=a+b. B.b =d+c". C.a=p+c" D. c=a+o.

Cau 47. Cho elip c6 hai tiéu diém F, F, va ¢6 do dai truc 16n béng 2a. Trong cac ménh dé sau,
ménh dé nao dung?

A. 2a=FF,. B. 2¢> EF,. C. 2a< FF,. D. 4a=FF,.

2 2 , . N
Cau 48. Cho elip (E)I;—S-‘r%:l . Hai diém 4, B 1a hai dinh cua elip 1an lugt ndm trén hai truc ox,

oy . Khi d6 d6 dai doan thang 4B bang:

A.34. B..34. C.5s. D. J136.
Caiu 49. Mot elip (E) co truc 16n dai gfip 3 1an truc nho. Ti sd ¢ cla tiéu cu v6i do dai truc 1on
bang:
A e—1 B. -2 C..-B D. .22
3 3 3 3




Cau 50. M6t elip (E) c¢6 khoang céach gifra hai dinh ké tiép nhau gép % lan tiéu cy ctia nd. Ti sb e
cua ti€u cu véi do dai truc 16n bﬁng:

D. -2

A e B. =2, C.c-
5 5

5

e

Cau 51. Cho diém (2;3) ndm trén duong elip (E) c6 phuong trinh chinh tic: £ +2 —1. Trong

2 2
2 b2

Q

cac diém sau day diém nao khong nam trén (E):
A. M, (-2;3).  B. M,(2;-3). C. M,(-2;-3). D. M, (3;2).

Cau 52. Cho elip (E): §+y—2 —1. Khang dinh nao sau ddy la ding?

a v
A. (E) khong c6 truc ddi ximg.
B. (E) c6 mdt truc dbi xtng 1a truc hoanh.
C. (E) co hai truc dbi xung 1a truc hoanh va tryc tung.
D. (E) ¢6 vo sb truc ddi xting.
Cau 53. Cho elip (E): z—j+z—j —1. Khang dinh nao sau ddy la ding?
A. (E) khong c6 tam dbi ximg.  B. (E) c6 ding mot tim ddi xtng.

C. (E) c6 hai tam d6i xing. D. (E) c6 vo sb tim d6i xing.

Cau 54. Elip (E) c6 d6 dai tryc bé b?mg tiéu cu. Ti s6 ¢ cua tiéu cu v6i do dai truc 16n cla (E)

bang:

A. e=1. B.c=\2. C.e:L. D. e=

1
2 3

Cau 55. Elip (E) c6 hai dinh trén truc nho cting véi hai tiéu diém tao thanh mot hinh vuong. Ti s6 e

cta tiéu cy voi do dai truc 16n cua (E) bang:

A.e=1. B.e:\/E. C. e= D. ¢=

1
3

€1
Nk
Cau 56. Elip (E) c6 do dai truc 16n bang 442, cac dinh trén truc nho va céc tiéu diém cua elip cing

nam trén mot dudng tron. D¢ dai truc nho clia (£) bang:
A. 2. B. 4. C. s. D. 16.
Cau 57. Cho elip (E): f—6+%:1 va M 1a mot diém tiy y trén (E). Khi do:

A.3<oM<4. B. 4<0M<5. C. oM >5. D. om <3.




2 2 , . , .
Cau 58. Cho elip (E):%+1):1_4:1 va diém M nam trén (E). Néu M c6 hoanh 46 bang -13 thi
khoang cach tir & dén hai tiéu diém bang:

A.10vaé6. B. 8 va 18. C. 13 +5. D. 13 +J10.

2 2 , . , .
Céu 59. Cho elip (E):f—6+i’—2:1 va diém M nam trén (E). Neu M c6 hoanh do bang 1 thi khoang
cach tir M dén hai tiéu diém bang;

A.35va45. B.3vas. C. 44+2. D. 41%.

Cau 60. Cho elip co phuong trinh 1622 + 255* = 100. Tinh téng khoang cach tir diém » thudc elip
c6 hoanh d6 bang 2 dén hai tiéu diém.

A. 3. B. 242. C.5. D. 4.3.

22 . ,
Cau 61. Cho elip <E>:lxﬁ+§_6: 1. Qua mot tiéu diém cua (E) dung duong thang song song voi truc

Oy va cit (E) tai hai diém M va N .

Tinh d6 dai mn .

A % B. 3¢ C. 2. D. 2.
5 5 2

2
X

Cau 62. Cho <E):%+f_6:1 . Mot dudng thang di qua diém 4(2;2) va song song véi truc hoanh cat

(E) tai hai diém phan biét & va ~. Tinh do dai mn .

A. 35 B. 15V2. C. 2J15.  D. 53
2 2 2 .
Cau 63. Day cung cua elip (E):x—2+;:—2:1 (0<b<a) vudng goc voi truc 1on tai tiéu diém co do dai
a
bang:
2 2 2 2
A2 B. 22 c.22. p.Z.
a a c c

? 7 . 2 2 . . « R A [N \ :
Cau 64. Duong thang 7:3x+4y—-12=0 cat elip (E):f—6+%:1 tai hai diém phan bi¢t » va ~. Khi
d6 d6 dai doan thang MN bang:

A. 3. B. 4. C. 5. D. 25.

2 2

Cau 65. Gia tri ciia m dé duong thang A:x—2y+m=0 cit elip (E):’i1 +yT:1 tai hai diém phan biét
la:
A. m=4242.  B. m>22. C. m<-2\2. D. 22 <m<2:2.

DAP AN VA LOI GIAI




Cau 1. Goi phuong trinh cua Elip 1a x_ + v 1, c6 d¢ dai truc 16n 4,4, =2a.

b_z_

. X'y a=25 [a=5
Xét (E): o+ g-=1=y),~ P2~ > 44,=25=10. Chon B.

Cau 2. Goi phuong trinh cua Elip la —+ Y 1, c6 dg dai truc 16n 4,4, =2a.

b_Z_
Xét (E) 4x’ +16y° =1 <

Chon C.

Cau 3. Goi phuong trinh cua Elip la —+ y 1, c6 dg dai truc 16n 4,4, =2a.
a’

b_z_

. L2 2 _ x’ yz_ a’ =25 _ _ _
Xét (E):x*+5y’ =25 & —+—=1< =a=5——> A44,=25=10.
25 5 br =5

Chon D.

Cau 4. Goi phuong trinh cua Elip la —+ y 1, c6 do dai truc bé BB, =2b.

b_z_

. x* a’ =100
Xét (E):—+—:1<:> =b=8 —— BB, =2.8=16. Chon C.
100 o4 b> =64

Cau 5. Goi phuong trinh cua Elip 1a x_+ Y 1, ¢6 do dai tryc 16n 4,4, =2a va do dai tryc bé la

b_z_
x2 x2 y2
Blezzb. Khldé,Xét (E) E'l‘y —4@54‘721.

a =64 a=38
= = —> A A, +BB,=28+22=20.
b: =4 b=2

Chon C.

2 2
Cau 6. Goi phuong trinh cua Elip 1a x_2 + y—2 =1, cdticucula 2c.

22 ?=25
Xét(E):;—5+y— 1@{22 = =a’-b*=9=c=3 — 2c=6. Chon B.
=16




Cau 7. Goi phuong trinh cua Elip 1a x_ + y—2 =1, codticucula 2c.
b
x 2 a2 =9
Xet (E) 3 %Zl@ 2 4:>c2 =a’—b*=5=c=5 —>2c=2/5. Chon D.
Cau 8. Goi phuong trinh cua Elip la —+ y_2 =1, cotiéucula 2c.
b

2 2 2 2
. X =p
Xét (E):—2+y—2:1<:>{ _g =Sc=p —qg =c=\p'—-¢ —>2c=2p*—¢".

Chon D.

Cau 9. Goi M 1a diém ndm trén truc 16n ctia (E) = M € Ox = M (m;0).

m’ {m:IO :{M(IO;O)

Mait khac ME(E) suyra —=1om’ =10° <
100 m=-10 M(—IO;O)

Céu 10. Goi N 1a diém ndm trén truc bé cia (E) = N € Oy = N(0;n).

R e Iy

Mat khac N € (E) suyra — =1 .
(£) 12 —2\/7 (O;—Z\/g)

. Chgn D.

Chon C.

Y

Cau 11. Goi phuong trinh cua ( ) la x_+b_2 =1, c6 toa d tiéu diém F(ic;O).

a

Xét (E):

2:9
x y__1<:> “ ot =d"-bp=3=c=43.
9 6 b’ =6

Vay tiéu diém ciia Elip Ia F,(+/3;0), , (~+/3;0). Chen C.

2 2

Cau 12. Goi phuong trinh cua (E) la x_2+y_ =1, c6 toa d tiéu diém F(i c;O).

a b?

Xét (E): x? 2

Vay tiéu diém cua Elip 1a F,(1;0), F,(-10). Chen A.

10



2y =16 [a’=16 [a=4
Cau13.Xét (E): =42 c11" " Pl T 0o _yee VT
16 J7 4
Chon B.

x*y a’=9 a’=9 a=3
Cau 14. Xét (E):?+T:1<:> = = 5
5

b* =4 =5 c=
Vay tisd f cantinhla f—z—“—i Chon B
ay 20 \/g 0 .
22 =16 [b*=8 [b=242
Cau15.Xét (E): —+2- -1 & = .
16 8 b =8 =8 |c=22
Vay ti sé & can tinh 13 k:E:&:I. Chon C.
26 242
a=>5
x2 yZ x2 y2
Cau16.Taco (E):—+—=1<(E): 5+ =1—1b=3
25 9 523

c:\/atz—b2 :\/52—32 =4

@)
&8>
=
ik
.
—
o)
Q
O~
—~
o
~
~
N
+
i
\<I\)
Il
[e—
—
ty
~
+
Il
[e—
A\ 2

Do do:
* (E) cotiducy FF,=2c=+3.

. (E) c6 truc nho bang 1, truc 16n bang 2.
* (E) c6 tidu diem la F{—?;O} va F{?;OJ.

Chon A.

Cau 18. Taco (E):4x* +9)* =36 = (E): -+ 2 =1——{b=2




Do do, (E) c6 tiéu cy bang 245. Chon C.

2 2
Cﬁu19.XétdépénA.Tacc’)(E):9x2+16y2=144<:>(E):: 2 1——>{

Do do6 (E) c6 do dai truc 16n 1a 8, d0 dai truc nhé 1a 6. Chon A.

R . | FF,=6=2c c=3
Cau 20. Elip (E) c6 =

—=b=+a’-c*=4.
A4, =10=2a

a=

2 2
Do d6, phuong trinh chinh tic ctia Elip 1a (E): Xy i}—6 =1. Chon D.

Cau 21. Elip (E) c6do daitruclonla 10 —2a=10=a=5.
Elip (E) c6 mot tiéu diém F(-3;0)——c=3.
Khido, b=+a’-c* =4.

2 2
Phuong trinh chinh tac cua Elip 1a (E ) X y—6 =1. Chon D.

Cau 22. Elip (E) c6 d6 dai truc nho 13 4/6 ——2b =46 = b =26.
Elip (E) c6 mot tiéu diém F(5;0)——>c=5.Khi do, a=vb"+c’ =7.

2 2
Phuong trinh chinh tic cta Elip 1a (E): Xy % =1. Chon C.

Cau 23. Elip (E) cd mot dinh la A(S;O) eOx——a=5.
Elip (E) c6 mot tiéu diém F(—4;0)——>c=4.
Khi do, b=+a’—c* =3.

2 2
Phuong trinh chinh tic ctia Elip 1a (E): X % =1. Chon C.

Ciu 24. Elip (E) c6 hai dinh 14 (-3;0) € Ox va (3;0) e Ox——>a =3.
Elip () c6 hai tiéu diém 1a F;(-1;0) va F, (1,0)——c =1.

Khi d6, b=~a* —c* =22

2 2
Phuong trinh chinh tic ctia Elip 1a (E): % + % =1. Chon C.
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Céu 25. Elip (E) ¢6 truc 16n gap doi truc bé = A4 4, =2BB, < 2a=2.2b<> a=2b.
Elip (E) c6 tiéu cu bing 43 ——2c =443 = c=24/3.

Taco a* =b*+c* & (2b) =b*+(243) =b=2.Khido, a=2b=4.

2 2

Phuong trinh chinh tic ctia Elip 1a (E): f_6 + yf =1. Chon A.

Cau 26. Elip (E) c6 do dai truc 16n hon d6 dai truc nho 4 don vi ——2a-2b=4.

Elip (E) c6 do dai truc nhd hon d¢ dai tiéu cu 4 don vi ——>2b—-2c =4.

Ta co
a=b=2 a-b=2 a=b+2 a=b+2 a=10
b-c=2 = & o =
y o, @@= +(b-2) T |(b+2) =20 -4b+4 (b —8b=0  |b=8
a =b" +c
. x2 yZ
Phuong trinh chinh tac cua Elip 1a (E£):——+=—=1. Chen C.
100 64
Cau 27. Elip (E) ¢6 ti 6 do dai truc nho va tiéu cy bang ﬁ—a%:ﬁ:w:#.
C

Mit khéc, (2a)’ +(2¢)" =64 & a* +c* =16.

b2
SRR TS Lo LR
Ta cé = .
a co a2+02:16 az_ibzzo {b2:8
a’=b"+c’ 2

2 2

Phuong trinh chinh tac cua Elip 1a (E ) : f—z + % =1. Chon A.

Céu 28. Elip (E) c6 mét tidu diém F(-2;0)——c=2.

Elip (E) c6 tich do dai truc 16 véi truc bé bang 124/5 ——2a.2b =12+/5 = ab =345 .

a——3\/g
Ta co ab=3\/§ = b & a=3
a’—b’>=c [3\6)2—[)2— h=A5
b
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2 2
Phuong trinh chinh thc ctia Elip 1a ( E): —+ y? ~1. Chon A.

Cau 29. Elip (E) c6 do dai truc 16n bang 26— 2a =26 = a =13.

Elip (E) c6 ti s6 cia tiéu cy v6i do dai truc 16n bing = »2¢ =12 .12

c=—a=12.

20 13 13

Do 36, b=+a’>—c* =5.

2 2
Phuong trinh chinh tac cua Elip 1a (E ) : IXE + ;—5 =1. Chgn B.

Cau 30. Elip (E) c6 do dai tryc 16n bang 6——2a=6=a =3.

Elip (E) c6 ti s6 cia tiéu cw véi do dai truc 16n bang l—)i—c = % —c=—a=1.
a

Do d6, b=+va* ¢’ =2\2.

2 2
Phuong trinh chinh thc ctia Elip 1a ( E): —+ % ~1. Chon A.

2 2
Céu 31. Goi phuong trinh chinh tic cua Elip 1a (E) : x_2+y_2 =1, véi a>b>0.

Q
S

e D¢ dai truc nhd cua Elip 1a 12 suyra 2b =12 < b =6.

‘A ” . \ A Nt r \ s A C 4 4
e Tiu cy cua Elip 1a 2¢, d6 dai truc 16n 1a 2a suyratisO —=—<c=—a.
a

Mit khac > -b* =c* < a’-6° =Ea2 @iaz =36 < a* =100.

25 25

2 2
Vay phuong trinh can tim 1a (E) ZIJ:TO + ;;—6 =1. Chon D.

2

2
Céu 32. Goi phuong trinh chinh tic cua Elip 1a (E) : x_2 +—=1,véi a>b>0.

N
A

e Tong d6 dai hai tryc cia Elip 1a 2a+2b=18 <= a+b=9 <= b=9—a.

A 9 . \ A N e I4 \ 9 A C 3 3
e Ti€u cy cua Elip 1a 2¢, d6 dai truc 16n 1a 2a suyratisOo —==<c==a.
a

A 2 2 2
Ma a” —b° =c¢” suyra:

14



az—(9—a)2 :%a2®a25 (a=45loaivi b=9-45=-36<0)

2 2

Vay phuong trinh can tim 1a (E ) : ;—5 +<—=1. Chgn A.

2 2
Céu 33. Goi phuong trinh chinh thc ctia Elip 1a (E): 25 +2==1, véi a >b > 0.

IS
oy

e Tong d6 dai hai tryc cta Elip 1a 2a+2b =10 a+b=5<b=5-a>0.

N

A , . 1s A qnc o 1A , A C
e Tiéu cu cua Elip 1a 2¢, d6 dai truc I6n 1a 2a suy ra ti sO —:T<:> c :Ta.
a

Ma a’ —b* =¢’ suyra az—(S—a)2 :ga2 <a=3(a=15loaivib=5-15=-10<0)

2 2
Véy phuong trinh can tim 14 (E) :% +yT =1. Chon D.

2

2
Céu 34. Goi phuong trinh chinh tic cua Elip 1a (E) : x_2 +—=1,v61i a>b>0.

Q
A

2

e Elip di qua diém A(7;0) suy ra 7—2 =l<a’ =49.
a

2

e Elip di qua diém B(0;3) suyra % =1<b* =0.

2 2
Vay phuong trinh can tim 1a (E ) : z—g + % =1. Chon D.
i x2 y2
Cau 35. Goi phuong trinh chinh tac cta Elip 1a (E) T+ s =1, v6i a>b>0.
a

2 2

e Elip di qua diém M(O;3) suy ra 0—2+2—2=1<:>b2 =9.
a

-5

, _“

e Elip di quadiém N(?);—E suy ra 3—2+—52=l<:>%:l—ﬁ.%<:>a2 =25.
5 a b a 25 b

2 2

Vay phuong trinh can tim 13 (E ) : ;—5 + yj =]. Chon B.

2 2
Céu 36. Goi phuong trinh chinh tic cua Elip 1a (E) : x_2 +—=1,v6i a>b>0.

N
A

15



2 2

e Elip di qua diém A(0;1) suy ra 0—2+#=1@b2 =1.
a

2
. 2 2
e Elip di qua diém N(I;Q} suy ra 1—2+—=1<:>i:1—§.L<:> a’=4.
2

a b’ a’ 4 b’
. xZ 2
Vay phuong trinh can tim 1a (E):= -+ yT =1. Chon C.
i x2 2
Cau 37. Goi phuong trinh chinh tac cta Elip 1a (E) Tt Z_Z =1, v6i a>b>0.
a

e Elip c6 do dai truc 16n gip d6i truc bé suy ra 2a =2.2b < a = 2b.

e 2> (-2) 111
e Elip di qua diém M (2;—2) suyra —+ =l —+—=—.
pdiq ( ) suy e & b4
a=2b a2=4b2 2_20
Do @6, ta co hé phuongtrinh < 1 1 149 1 1 1< {bz
R _— —_—t = =
a2 b2 4 4b2 b2 4

2 2

2
Céu 38. Goi phuong trinh chinh tic cua Elip 1a (E XY I, véi a>b>0.
2 bZ

Q

e Elip c6 tiéu cu bang 6 suyra 2c=6<=c=3<=a*-b*=c"=9.

2 2

e Elip di qua diém A(S;O) suy ra 5—2+b—2=1<:> a’ =25.
a

2-b*=9 ?=25
Do @6, ta c6 h¢ phuong trinh ¢ S . .
a’ =25 b* =16

2 2

Vay phuong trinh can tim 1a (E): % + i}_6 =1. Chon B.

2 2
Ciau 39. Goi phuong trinh chinh tac cua Elip 1a (E) : x_2 + y—2 =1, v6i a>b>0.

b

N

e Elip c6 tiéu cu bing 2+/3 suyra 2c=2V3 @ c=3 < a> -b> =¢* =3 (1).

L 1 221 4 1
e Elip di qua diém A(2;1) suy ra —2+b—2=1<:>—+b—:1 (2).
a

16



Clz—b2:3 a2:b2+3 a2=b2+3 6122
Tu (1), (2) suyra§ 4 1 e 4 L, 2=

—t—= —t—= “ b*—2b*>-3=0 b’ =3
a b b*+3 b’
. x2 2
Vay phuong trinh cin tim 1a (E) = y? =1. Chon A.
i x2 2
Cau 40. Goi phuong trinh chinh tac cua Elip 1a (E) =+ % =1, véi a>b>0.
a

e Elip c6 tiéu cu bing 8 suyra 2c=8 < c=4 < a’-b’ =c> =16 (1).

e Elip di qua diém M(\/E;—l) suy ra ——+ o :1<:>—2+b—2:1 (2)
a a

a’—b*=16 a’=b*+16
=
1 {

. a’=b>+16 a’ =20
Tu (1), (2) suyra 415 1 e1 15 1 2=

= = b* =16 =4
a’ b b*+16 b’
. x2 2
Vay phuong trinh cin tim 1a (E): =t yT =1. Chon D.
i x2 2
Cau 41. Goi phuong trinh chinh tac cta Elip 1a (E) : —2+2}—2 =1, v6i a>b>0.
a

e Elip c6 mét tidu diém 1a F(-2;0) suyra c=2<a’ =b>+c’ =b>+4 (1).

5 2
o . 5 2? (3) 4 25
e Elipdiquadiém M| 2;— | suyra —+~—~—=1<—+—=1 (2).

a’=b"+4 a’=b"+4

Tu (1), (2) suyra§ 4 25 <1 4 25 <:>{
prarYr i R
a9 b~+4 9b

Vay phuong trinh can tim 1 (E):

Ciau 42. Goi phuong trinh chinh tac cua Elip 1a (E) —+—==1,véi a>b>0.

%<

e Elip c6 hai tiéu diém 1a E(—Z;O), F2(2;O) Sc=2ca=b"+c*=b"+4 (1)

L 1 22 37 4 9
e Elip di qua diem M (2;3) suy ra —2+b—2:1<:>—+?:1 (2).
a a

2

17



2 42 2 42
‘ a- =b"+4 a- =b"+4 a2=b2+4 a2=16
Tu (1),(2) suyraq 4 9 << 4 9 _, =

& :

_2+b_2_ ia 4+b—2_ b* —4b> -36=0 b =12

a +

. x2 2

Vay phuong trinh cin tim 14 (E) ot 1y—2 =1. Chon A.
i x2 2
Cau 43. Goi phuong trinh chinh tac cua Elip 1a (E) : —2+% =1, véi a>b>0.

a

2 2

e Elip di qua diém 4(6;0) suy ra 6—2+b—2: 1< a® =36.
a

. : : . . 1 1 :
e Ti s6 cua tiéu cuc vdi do dai truc 16n bang 1 suy ra —C:—<:>£=—<:>c2 :a—.
2 2a 2 a 2 4
, o ) . 5 , a> 3, 3
Két hop véi diéu kién b™ =a” — ¢, tadugc b” =a _T:Za =Z.36=27.

2 2

Vay phuong trinh can tim 1a (E): ;C_6 + ;—7 =1. Chon A.

2 2
Xy

Ciau 44. Goi phuong trinh chinh tac cua Elip 1a (E) Tt . =1, v6i a>b>0.

N

)
(s
PN DA DO A N 01

e Elip di qua diém N (2;—%) suy ra — +
a

b a 9b
e Ti sb cua tiéu cuc voi d6 dai truc 16n bé“mg 2 suy ra —C:gc>522c>cz =ia2.
3 2a 3 a 3 9
Két hop véi diéu kién b* = a®> -2, taduge b* =a° —gaz =ga2 <9 =54a° (2)
4 2 4 2
: — —52‘ —~ —5221 %:1 a’ =9
Tu (1), (2) suyra<sa- 9b &qa” Sa & <a , L
9bh* =54° 9h* = 54° 9b* =54° b™=

Vay phuong trinh can tim 13 (E ) :% + y? =1. Chon B.

Céu 45. Goi phuong trinh chinh tic cua Elip 1a (E ) Tt

> (B)

e Elip di qua diém A(2;\/§) suy ra — + - :1<:>i2+i:1 (1)
a

18



s X o aa s TR > 2 2a 2 , 3
e TisO cua do dai truc 16n véi ti€u cubangﬁsuyra 2—:$<:>c -
c

Két hop véi diéu kién b* = a®> — %, ta duge b> =d’ 7

—_ _+_
Tu (1), (2) suyra ya> b  <<4b> b  <b°
a’ =4b’ a’ =4b’ a’ =4b*

i+3:] 4 3:1 i:] {a2=16
= .

2 2

\ B
Vay phuong trinh can tim & (E) :f—6 + y? =1. Chon'A.~

A L2 2 g2 252, 2/, \
Caud6.Tacod ¢’ =a’-b*«——a’=b +cA.(;=h(,)/rl«€./04f .

Caud7.Tacd a>c<——2a>2c

\ /
N /
e /

<—>2a > FF,.Chon B. L

Cau 48.
Tacé a> =25——a=5
va b’ =9——b=3
Tam gidc OAB vudng, co
AB=NOA +0B* =34,
Vay AB =+/34.

Chon B.

Ciu49. Tac6 44, =3BB,——a=3b

—a? =9h* =9(a2 —cz)—>9c2 = 84*

¢ 8 c 22
— == >—= .
a 9 a 3
Vay e= ¥ Chon D.
g
Cau 50.
% M(x ; )
TaC(')AB:%F‘IFz——) a’+b* =3c é%
A\ F ojAz_-.-r
BI
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— s ad*+ b =9 —— 4P +<a2 —cz) =9¢?
—24* =10c?

2
c 1 c 5
H—z :—H—:—'
a 5 a 5

V5

. Chon A.
5

Vay e=
Céu 51. Ta c6 diém M doi ximg qua Ox ¢6 toa d 1a (2;-3).
Diém M d6i ximg qua Oy c6 toa do la (-2;3).

DPiém M d6i xtimg qua gdc toa dd O c6 toa do 1a (—2;—3). Chon D.

Cau 52. Tacod (E ) ¢6 hai truc ddi xtng 13 truc hoanh va truc tung. Chon C.

Cau 53. Taco (E) c6 ding mot tim d6i xtmg 1a gbc toa dd O. Chon B.
Caus4.Tacéd BB, =FF,«—b=c

p? = c? (a2—02)202

1
Vay e=—. Chon C.
y \/5 .

Cau 55. Ta c6 FB,F, =90'—>OB, = Ffz —b=c

——b*=c —>(a2—c2):c
N S

a 2 a \/5
Vay e—L Chon C
'3 _\/5- % .

Cau 56.

Tacod Ad, =42 ——a =22

Vi bén diém F,B,,F,, B, cing nim trén mot dub’nwf/f\

Al F

20



——>b=c——b* ="

=gt sp="L >

V2
Vay d¢ dai truc nhé cua (E) 1a 4.
Chon B.
Caus57.Tacod a’ =16——>a=4 va b>=9——h=3.
Ma OB <OM < 0A<—>3<OM <4. Chon A.
Caus58.Tacod a’° =169——a=13, b* =144——>b =12 va * =va* -b* =5
Toa d6 hai tiéu diém £ (-5;0),F,(5;0)
M c6 hoanh d¢ bang —13——y =0,M (-13;0).

—> MF, =8,MF, =18. Chon B.

Caus59.Taco a’=16——a=4, b =12—>b=2Y3 va > =Ja* —b* =2

Toa d6 hai tiéu diem £ (-2;0),F,(2;0)

35

M c6 hoanh d6 bang 1—> y = iT.

3@]_

Do tinh ddi xung cua (E ) nén chon M (I;T

—>MF, = %,MF2 - % Chon A.

1

2 2

Cau 60. Ta co 16x> + 25)° = 100<—>;—5+y7:1
4

2 :§—>a:§, b =4 sb=2

MF, + MF, =2a =5.Chen C.

I 2 2100
Cau 61. Xét (E)-"—+y—:1:>{z2 y

a

: S’ =a’-b*=100-36=64.
100 36

Khi d6, Elip c6 tiéu diém la F;(-8;0) = dudng thang d /Oy vadiqua F, la x =-8.

21



Giao diém cta d va (E ) la nghiém cua hé phuong trinh

x=-38 x=-8
x2 y2 = 24 .
—+—=1 y=t—
100 36 5

Vay toa dg hai diém M(—&%), N(—&—%) = MN = %

Ciu 62. Phuong trinh dudng thing d di qua diém A(2;2) va song song truc hoanh c6 phuong
trinh 1a y =2.

2 2

=2

27 =2 > M (V15:2

Tac()dm(E)<:> 20+16_1<:> 2 2 @{yz @{ JI5 = ( )
— X

X
y=2 20 16

Vay do dai doan thang MN = 24/15. Chon C.

Chu 63. Hai tiéu diém c6 toa d¢ lan luot 1a F(—c;0), F,(c;0).

Puong thing chira diy cung vudng goc véi truc 16n (truc hoanh ) tai tiéu diém F c6 phuong
trinhla A:x=c.

2 2

X +y _q xX=c X=cC xX=c
Suyra AN(E)=<q> p2 < i+y—2—l<:> . bz(az_c2) pt = _+£
X=cC az bz y - az _? y —a

A A . 2 , \ \ b’ b* 2b*
Vay toa d6 giao di€m cua A va (E) la M| c;— |, N| c;—— |= MN =—. Chgn B.
a a a

Ciu 64. Toa d6 giao diém cia dudng thang d va (E ) la nghiém cua hé

_3_3_x 3x
w+dy-12=0 |77 g 3x |y=3-
Py & ) & 4 < B
Z 4L = , |3-F B =
16 9 x 4 x —4x=0 {

-4+ _1 =
16 9

o M(03)
Vay toa dg giao diém la N = MN =5. Chon C.

Cau 65. Chon D.
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CHUYEN PE: PHUONG PHAP TQA PQ TRONG MAT PHANG
BA PUONG CONIC
PHAN 2 : HYPEBOL
A.TOT TAT LY THUYET :

Trén mat phéng, néu hai thiét bi dat tai cac vi tri F, F, nhan dugc mot tin hiéu am
thanh cung luc thi vi tri phat ra tin hiéu cach déu hai diém F,,F,,vado do, nam trén

duong trung truc cia doan thang EF,.

Cho hai diém phan biét ¢ dinh F, F,.bat FF, =2c. Cho sb thuc duong a nhod hon
c. Tap hop cac diém M sao cho |MF, — MF,|=2a dugc goi 1a dudng hypebol . Hai

diém F,, F, dugc goi 1a hai fiéu diém va FF, =2c dugc got la tiéu cy ciia hypebol

do.
Trong mit phang toa do Oxy, hypebol c6 hai tiéu diém thudc truc hoanh sao cho O 1a
2 2
trung diém cua doan thang noi hai tiéu diém do thi c6 phuong trinh x—z—Z—z =1, voi
a

a,b>0.
Nguoc lai, mdi phuong trinh c6 dang (4) déu 1a phuong trinh ciia hypebol c6 hai tiéu
diém F (— @+ b ;o) , F, ( at+ b ;o), tidu cw 2x=2a? +b* va gia tri tuyét déi
ctia hiéu cac khoang cach tir mdi diém thudc hypebol dén hai tiéu diém bang 2a .
Phuong trinh duoc goi 1 phuong trinh chinh tic cua hypebol trong tmg.

B. PHUONG PHAP GIAI TOAN

1) Bai tap tu luin:

Vi du 1: Lap phuong trinh chinh tic cta hypebol biét:

a) Nira tryc thuc bang 4, nira tiéu cy bang 10.



. . ) 2
b) Tiéu cu bang mot tiém can la y = Ex.

¢) Tam sai e= \/g va hypebol qua diém M(\/E;6).
Loi gidi:
a)Taco: a=4,c=5,nén b>=c*—-a* =9

2 2

Vay phuong trinh cta hypebol la: f_6 - y? =1
, . b 2 b* 4 b*+a*> 13
b) Ta co: c=\/B Vi —=— = —=— = -
a 3 a 9 a’ 9
Talaico b>+a* =c* =13 nén a*> =9, b* =4
2 2
Do d6 phuong trinh cua hypebol la: %—y?=l
x2 y2
¢) Goi phuong trinh hypebol 1a P =1
\ ) 10 36
Va M(\/E,é)e(H) = —-2=1()
Tacé:e=\/g :>£=\/§
a
c? ct-a’ b’
hay yzs = — =4 = ?=4(2)
Tir (1).(2)=>a’ =1,6°=4.
x2 2
Do d6, phuong trinh hypebol la: T —yj =1.
x2 y2
Vi du 2: Cho hypebol E—?:I (H)

a) Tim do dai truc 4o, truc thuc, tAm sai, tiéu diém F,,F, cta hypebol, v&€ hypebol (H )
b) Tim trén (H ) nhing diém M sao cho MF, 1 MF,.

Loi gidi:



2 2
X

a) Ta co (H):E—y?:l

= a4’=16,b"=9
= *=25

Vay d¢ dai truc do 1a 2b=06

d6 dai truc thuc la 2a =38

Tam sai e=£=§>l,
c 4

F(-5:0), F,(5:0).

2

L —

b) Goi M(x,y) IS (H) sao cho MF, L MF, = FMF,=90°

Vay M nam trén dudng tron duong kinh £ F, =10 c6 phuong trinh 1a x* +y* =25.

Do do6 toa do cia M 1a nghiém cua h¢ phuong trinh:

e N
6 9 N 95
x*+y> =25 y=ig

Vaytaco 4 diém M 1a:

W[ w85 2) [ S [ 45

5 5 7 5) 5 5

2

Vi du 3: Cho hypebol: %—yz =1 (H)

a) Dinh tiéu diém. Viét phuong trinh cac tiém can.

b) Cho M (xo; yo) € (H ) . Tinh tich sb khoang cach tr M dén cac tiém can.
Loi gidi:

2

a) Ta c6 (H):%—yzzl = a'=4b =1 =5

=a=2b=lc=\5 = F(J50). £(~50)



1

Phuong trinh 2 tiém can la y:%x & x-2y=0 (D)

y:—%x & x+2y=0 (Dz)

2 2

b) Liy M, (x,:3,)e(H) < %O—yTO:l o xX-4y’=4

-2
Ta co: d(M,(Dl))=%=d1

+2

d(M,(D,)) =%: d,
Taco: dd, = |x0 —2y0|.|x0 +2y0| = |x§ —4y§| _4 (Vi x; —4y2 =4)
5 5 5

Vidu 4:
a) Lap phuong trinh chinh tic ctia hypebol véi tong hai ban truc 13 a+5 =7 hai tiém can
y=i%x

b) Tinh d6 dai hai ban truc.V& (H ).

¢) Lap phuong trinh céc tiép tuyén cta (H ) , biét rang tiép tuyén song song d :5x—4y+10=0.

Loi gidi:
a) Ta c6 phuong trinh hai ti¢m céan la:
y:iﬁx=i§x & £=i & b:Eﬁ
b 4 b 4 4

Maa+b=7 = a+%a:7 = a=4,b=3

2 2
Phuong trinh cua (H) la: f—6 _y? =1.

b) a=4,b=3



¢) Vi tiép tuyén song song d : 5Sx—4y+10=0
= Phuong trinh tiép tuyén: 5x—4y+c=0 (A)
(A) tipxticvoi (H) < ¢*=2516-169 <« =256 = c=%16

Vay phuong trinh hai tiép tuyén 1a Sx—4y+£16=0.

2 2

391. Chimg minh rang tich cac khoang cach tir mot diém bat ki trén (H ) : %—2}—2 =1 dn hai
tiém can la mot héng $6.
Gidi
: X
Goi M, (xo;yo) € (H) o a—g—b—gzl o bx-ad'y;=a’b’
b bx,—ay,=0 (A1)

Phuong trinh hai tiém cénla y =+—x, <

a bx,+ay,=0 (Az)

] o) e e
v b +at b +a? Ca+b a b




B. BAI TAP TRAC NGHIEM

Cau 1.

Cau 3.

Khai niém nao sau day dinh nghia vé& hypebol?
A. Cho diém F c6 dinh va mot dudng thing A ¢ dinh khéng di qua F . Hypebol (H ) la
tap hop cac diém M sao cho khoang cach tir M dén F bang khoang cach tir M dén A.
B. Cho £}, F, ¢6 dinh véi FiF, =2c, (¢>0). Hypebol (H) 14 tp hop diém M sao cho
|MF, — MF,|=2a véi a lamdt s6 khong ddi va a <c.
C. Cho F, F, cb dinh véi FF,=2c, (¢>0) va mdt do dai 2a khéng ddi (a>c).
Hypebol (H) la tap hop cac diém M saocho M € (P) < MF, +MF, =2a.
D. Ca ba dinh nghia trén déu khong ding dinh nghia cia Hypebol .

Loi giai
Chon B
Cho F,, F, c¢6 dinh véi FF, =2c, (c > O). Hypebol (H) la tap hop diem M sao cho
MF, — MF,|=2a véi a lamét s6 khong doi va a < c.
Dang chinh tic ctia hypebol 1a

2 2 2 2
X x
A. ?Jr)b}—z:l. B.a—Z—Z—Z:l. C.y =2px. D. y=px’.
Loi giai
Chon B
e Xy , :
Dang chinh tac cua hypebol la ? - b—2 =1. (Cac ban xem lai trong SGK).
2 2
Cho Hypebol (H ) c¢6 phuong trinh chinh tic 1a X—Z—Z—z =1, véi a,b>0. Khi d6 khing
a

dinh nao sau day dang?

A.Néu ¢* =a® +b* thi (H) cd céc tiéu diém la F1( ,0), Fz( c,O).
B.Néu ¢* =a’ +b* thi (H) c6 cac tiéu diém 1a Fl( ;). F,(0;—c).
C.Néu ¢* =a” —b thi (H) c6 cac tiéu diém 1a F; (¢;0), F, (-¢;0).
D.Néu ¢* =4’ —b* thi (H) c6 cac tiéudiém1a F (0;c), F, (0;—c).
Loi giai
Chon A.
Xem lai sach giao khoA.
2 2
Cho Hypebol (H ) c¢6 phuong trinh chinh tic 1a X_Z_y_z =1, véi a,b>0. Khi d6 khing
a

dinh nao sau day dang?

A.Véi ¢* =a’ +b° (c > O) tam sai cua hypebol 1a e =

B.Véi ¢* =a’ +b° (c > 0) tdm sai cta hypebol 1a e =

m|a Q|Q



c
C.Véi ¢’ =a’ +b° (c > O), tdm sai cta hypebol 1a e = ——.
a

a
D.Véi ¢* =a’+b* (¢>0), tam sai cta hypebol 1a e = ——.
c
Loi giai
Chon A
Xem kién thirc sach gido khoA.
2 2

Cho Hypebol (H ) c¢6 phwong trinh chinh tic 1a

2
a

dinh nao sau day sai?
A. Toa d9 cac dinh ndm trén truc thuc 1a 4 (a; 0) , 4 (—a; O) .

B. Toa d6 cac dinh nim trén truc 40 13 B, (O;b) , A4 (O; —b).
C.Véi > =a’ +b* (¢>0),do dai ticu cy la 2c.
a
D. Véi ¢* =a’ +b° (c > O) , tdm sai ctia hypebol la e =—.
c

Loi giai
Chon D

. ~ . 9 \ a
Véi ¢* =a’ +b° (c > O) , tam sai cta hypebol 1a e =—.
c

2 2

= —2 _1,véi a,b>0. Khi d6 khing
b

Cho Hypebol (H) c¢6 phuong trinh chinh tic 1a XY =1,véi a,b>0 va ¢ =a’* +b’

2 2
a b

(¢ >0).Khi d6 khang dinh nao sau day dung?

A. V6i M (x,;y,)€(H) va cc titu diém 1a F(—c;0), F,(c;0) thi MF, =a+

Cc.X
MF, = —=2M
a

B. V&i M (x,;y, )e(H) va céc tiéu diém 1a F,(—c;0), F,(c;0) thi MF =a-

c.Xy,

MF, =a+
a

C. V6i M (x,;y,)e(H) va céc tiéu diém 1a F|(—c;0), F,(c;0) thi MF, =

c.X
a+—M

MF, =
a

D. V6i M (x,;y,)e(H) va céc tidu diém 1a F,(—c;0), F,(c;0) thi MF, =

MF, =|a

2

‘ Xy,

a
Loi giai

C.X),

a

c.xy,

a

c.X)y,

a

c.Xy,

a

b

b

b

b



Cau 8.

Cau 9.

Chon D.
Xem lai kién thtrc sach gido khoA.
2 2
Hypebol ——=—=1 ¢¢ hai tiéu diém 14 :
16 9

A. (- 5:0), F,(5:0). B. F(— 2:0), F (20
C. (- 3:0), F,(3:0). D. F (- 4,0). F,(40).
Loi giai
Chon A.
a2 :16 a:5
Taco: {b> =9 = 1b = 3. Céc tiéu diém la F1(_ 5;0),F2(5;0).
cF=a’+ b’ c=5
. . 2 y2
Duong thang nao dudi day 1a duong chuan ctia Hyperbol 6 12 =1?
A.x—%=0. B. x+2=0. C. x+8=0.
87
x+——=0.
7
Loi giai
Chon B.
a2 :16 a:4

Tacd: 1b* =12 = b:2\/§.
=a+b c=2

c .
Tamsai e=—=2.Puongchuan: x+2=0 va x—2=0.
a
Hypebol ¢o nira truc thyc 1 4, tiéu cy bang 10 c¢6 phwong trinh chinh tic 1a:
2 2 2 2 2 2

A Y g B. L +X —1. c. X .
16 9 16 9 16 9
X oy
16 25
Loi giai
Chon A.
a=4 a=4

Taco: 12¢c=10 =1c=5.

2 2

Phuong trinh chinh tic ctia Hyperbol 1a f—6 - % =1.



Cau10. Tim phuong trinh chinh tic ctia Hyperbol (H ) ma hinh chit nhét co s c6 mot dinh la
(2;—3).

2 2 2 2 2 2
AX_Y g B Y . c. Y D.
2 -3 4 9 9 3
Xy,
2 3
Loi giai
Chon B.
x2 y2
Goi (H) :2_ 2 —1.Toado dinh cta hinh chit nhat co s¢ la A (—a; —b), A (a; —b),
a2 b2 1 2

. Phuong trinh chinh tic

Hinh chir nhat co sé cua <H ) c6 mot dinh 1a (2;—3) , suyra {

2 2
Cau 11. Dudng Hyperbol 0" 1 c6 mot tidu diém l1a diém nao dudi day ?

A. (ﬁ;o). B. (o;ﬁ). c. (0:5). D. (-5,0).

Loi giai
Chon D.
a’=16
Tacé: {b* =9 = ¢ =5. Céc tiéu diém cua (H) la (—5; O) va <5;0).
c=a +b
x* )’ .
Cau 12. Tam sai cia Hyperbol ? _T =1 bang:
3 3 4
A, —. B. —. C. ﬁ D. —.
J5 5 5 5
Loi giai
Chon A.
Clz =5 a—= \/g
Taco: {b° =4 =1b=2 —se=So

3
a 35

c=a’+b c=3

Cau13. Hypebol 3x”—y* =12 c6 tim sai la:



Cau 14.

Ciau 15.

Ciu 16.

1
A.e:L. B.e=—. C.e=2. D.e:x/g.
NE) 2
Loi giai
Chon C.
x2 2
Taco: 3x2—y2:12<:>——y—:1.
4 12
a2:4 a:2
=12 ={b=23=e==2.
a
c=a’+b c=4
2 2 .
buong Hyperbol 0 16 =1 co tiéu cu bang :
A. 12. B. 2. C. 4. D. 6.
Loi giai
Chon D.
@ =20 a=25

Taco: {b* =16 =1b=4 .Tiéucu 2¢c =12.
cF=a’+ b’ c=6

Tim phuong trinh chinh tic cua hyperbol néu né c6 tiéu cu bang 12 va d6 dai truc thuc biang
10.

2 2 2 2 2 2
ATV B _Y 1 A A
25 11 25 9 100 125

2 2
XY
25 16
Loi giai
Chon A.
2¢=12 c=6

Tacd: 12a=10 =1a=>5
b =c*—d? =11

Phuong trinh chinh tic (H ) Y
25 11
2
Tim goc gitta 2 dudng tiém can cua hyperbol x? -y’ =1,

A. 45°, B.30°. C. 90°. D. 60°.
Loi giai
Chon D.



2
a =3 = 1 1
Taco: { :>1a \/g Duong tién can cua (H) la y=—7—x va y=——=x hay

=1 |b=1 J3 NE)

X —\/gy =0va x+ \/gy = 0. Goi « la gbc gilra hai duong tiém cén, ta c6 :

Cosa:‘ 1.1-343 Ll
e () e

~ y ,
Caul17. Hypebol ——=—=1 ¢b
PR

= a =60°.

A. Hai dinh A (—2:0), A,(2:0) va tam sai e=

. A 2 A .
B. Hai duong tiém can y = igx vatam sai e =

N‘S‘ N‘S‘ S“N
W W W

e ca A 3 Cn .
C. Hai duong tiém can y :iEx vatam sai e =

D. Hai tiéu diém F,(—2;0), F,(2;0) va tam sai e=

2z
NER

Lo gidi
Chon C.
a’ =4 a=2
Taco:{b*=9 ={b=3
c=a’+b c—=+/13
Toa dé dinh A, (~2;0), 4, (2;0). tam sai ezgz%,hai tieu diém £, (~13;0) va

F, (\/E;O), hai duong tiém can y = j:%x.

2 ,
Cau 18. Phuong trinh hai tiém can y = igx 1a ctia hypebol c6 phuong trinh chinh tac nao sau day?

2 2 2 2 2 2
AL o B.—-2L 1. c. L -1 D.
4 9 3 2 2 3
2 2
2 Y
9 4
Loi giai
Chon D.
:3 2 2
Taco: :I:ézigj a . Phuong trinh <H):x——y—:1.
a 3 |b=2 9 4



Ciu 19.

Ciu 20.

Cau 21.

Cau 22.

Viét phuong trinh ctia Hypebol c6 tiéu cu bang10, truc thyc bang 8 va tiéu diém nam trén
truc Oy .

2 2 2 2 2 2
A - B. -2 1. c. -2 -1 D.
9 16 4 3 16 9
RS
16 25
Loi giai
Chon A
2b=38 b=4 R R
Taco: {2¢=10 = 41c=135. Phuong trinh (H):—x—+y—=1
s ., 9 16
a=c" —b a=3
2 y2 .
buong Hyperbol S 1 =1 c6 tiéu cy bang :
A. 2. B. 6. C. 3. D. 1.
Loi giai
Chon B.
02:5 a:\/g
Taco: {b* =4 =1b=2 . Tiéucu 2¢ —6.
c=a+b c=3

Tim phuong trinh chinh tic ctia Hyperbol (H ) biét n6 di qua diém 1a (5;4) va mot duong

ti¢ém can c6 phuong trinh [a x+y =0.

A -2 =1 B. x’ —y° =09, C.x -y’ =1. D.
2 2
X Yy
5 4
Loi giai
Chon C.
a=>b
Taco: 152 42 1:>{a:b:1.Phu:orngtrinh(H):xz—yzzl.
a2
a b

Hypebol c6 hai tiéu diém 1a F,(—2;0) va F,(2;0) va mét dinh A(1;0) c6 phuong trinh la

chinh tic 1a

2 2 2 2 2 2
AL -2 o B. 2+ =1 c. X 1. D.
1 3 3 1
2 2
LR
13
Loi giai



2 2 2
=1
Taco: ja= = “ . Phuong trinh (H):x——y—zl.
., b’ =3 1 3
b=c —a
x>y .
Cau 23. DPuong Hyperbol E_TZI c6 tiéu cy bang :
A. 2+/23. B. 9. C. 3. D. 6.
Loi giai
Chon A.
a’=16
Taco: {b* =17 = c=+/23.Tiéucu 2¢c = 2+/23.
cc=a +b

Cau24. Tim phuong trinh chinh tic ciia Hyperbol <H ) biét né ticu diém la (3;0) va mot dudng tiém

can c6 phuong trinh 1a : V2x + y=0

2 2 2 2 2 2
AL B.—-2X -1 c. L 1. D.
6 3 3 6 |
2 2
X oy
I 8
Loi giai
Chon A.
c=3
2:2b2 2:6 2 2
Taco: ——:—L = ¢ = ? . Phuong trinh <H>:x——y—:1.
a 2 |3*=9 |p*=3 6 3
cc=a +b
2 2
Cau 25. Duong thing nao dudi dy la dudong chuin cua Hyperbol % - f—s =1?
A.x—@zo. B. x+2=0. C. x+4J5=0. D. x+4=0.
Loi giai
Chon A.
a’> =20

a:2\/§ c 7

Tacd: {b* =15 = . Tam sai e =— = ——. Cac dudng chuén 1a

c2:a2+b2 C:\/g a 2

25 . 435
=

xX+—==0 hay x

J7

2



Cau 26. Tim phuong trinh chinh tic ctia hyperbol néu mét dinh ciia hinh chit nhat co so clia hyperbol

dola M(4:3).
2 2 2 2 2 2
AL o B. —+i =1 c.-L 1. D.
16 9 16 9 16 4
2 2
LA
4 3
Loi giai
Chon A.
:4 2 2
Taco: “ . Phuong trinh <H):x——y—:1.
b=3 16 9
Cau27. Hypebol co tam sai e =+/5 va di qua diém (1; 0) c¢6 phuong trinh chinh tic la:
2 2 2 2 2 2
Ao B.—-2X 1. c. -2 1. D.
1 4 1 4 4 1
2 2
_+x_:1
4
Loi giai
Chon A.
[
a a=1
2 2 2 2
Taco: 1——0—:1 = c:\/g.Phuongtrinh (H):x——y—zl.
a b 4
= —a? b=12
2 9
Cau28. Hypebol x2—y7=1 ¢6 hai dwdmg chudn 13:
1 1
A, x =12, B. x ==1. C.x=t—. D. x=1x—.
5 2
Loi gidi
Chon C.
(12:1 a:l
P 2 A . C N 2 l
Taco: {b” =4 =1b=2 .Tamsale:—:\/g. Puong chuan x +—= =0 hay
2 2 2 a \/g
cc=a +b c:\/g
1
xX=+t—.

J5

Cau29. Tim phuong trinh chinh tic ctia Hyperbol (H ) biét n6 c6 mot duong chuan la 2x + \/E =0



Cau 30.

Cau 31.

Cau 32.

A Xy =1 B X o1 C. -2 =1 D
1 4 2
2 2
LS
2 2
Loi gisi
Chon A.

Taco: 2x—|—\/§:0:>x+%:0.
2
2 _
! a ! .Chon a=1 thi C_\/E
1

a
Suyra —=— > —=—
e 2 ¢ 2 b

2 2
Cho diém M nim trén Hyperbol (H): f—6—y?=1. Néu hoanh do diém M bang 8 thi

. Phuong trinh <H> xt =y =1.

khoang cach tir M dén cac tiéu diém cua (H ) la bao nhiéu ?
A. 8+42. B. 8+/5. C.5va 13, D. 6 va 14.
Loi giai
Chon D.
2 2

Voi x=8 taco: %—%:1 =y =+3V3. Co hai diém M thoa min la M, (8;3/3) va
M, (8:~3v3). Ticu diém cia (H) 1a F,(~5:0) va F, (5:0).

M F =M,F =14, M\F, = M F, =6.
Viét phuong trinh chinh tic cua Hypebol, biét gia tri tuyét dbi hiéu cac ban kinh qua tiéu diém
ctia diém M bat ky trén hypebol 1a 8, tiéu cu bang 10.

2 2 2 2 2 2
AL =1 hoge -2+ L =1, A, |
16 9 9 16 16 9
2 2 2 2
c. X 1 p. X _Y
4 3 4 3

Loi gisi
Chon A.
2a=238 a=4
x2 yZ
Taco: {2¢=10 = c=5.Phuongtrinh(H):———=1.
16 9

b =c*—d? b=3

Hyperbol (H ) c6 2 duong tiém can vudng goc nhau thi ¢ tim sai bang bao nhiéu ?

A. 3. B. % C. V2. D. 2.

Loi giai
Chon C.



2

2
- Xy o . b . b
Goi (H):——<—=1.Tiémcancua (H) 1A A :y=——xva A :y=—x.
’ ( ) a b o ( ) N a 2+ a
AILAZ@—E.B:—I@a:b.
a a

c
Tacd: > =a’ +b* =2a* = c=av2. Tamsai e =< =+/2.
a

Cau 33. Tim phuong trinh chinh tic cia Hyperbol (H) biét n6 tidu diém 1a (—1;0) va mot duong

tiém can c6 phuong trinh 1a: 3x+ y =0

2 2 2 2 2
AL B. —x’+2i-=1. c. L 1. D.
I 3 9 1 6
<yt
1 9 10
Loi giai
Chon D.
c=1 c=1 aZZL , , |
Taco: {—=-3 =1b=3a = 1O.Phu:0rngtrinh <H):x——y—:—,
a 10d> =1 b — 9 1 9 10
cc=a+b @ = 10

Cau 34. Hypebol c6 hai duong tiém cin vudng goc voi nhau, do dai truc thyc bang 6, c6 phuong trinh
chinh tic la:

2 2 2 2 2 2
AT Yo B. - -1 c. Y. D.
6 6 9 9 1 6
2 2
r Y
6 1
Loi giai
Chon B.
. x* 0y o . b . b
Gc_n(H):?—?:LTlemcancua(H>laAI:y:—;xvaAZ:y:Zx.
AlLAZ@—é.éz—I@a:b.
a a

a=>b
Taco: =a=b=23.
2a =

22
Phuong trinh chinh tic (H ) : % — % =1.



Cau 35.

Cau 36.

Cau 37.

Diém nao trong 4 diém M(S;O) , N(10;3\/§), P(5\/5;3\/5) , Q<5; 4) nim trén mot dudng

2 2

tiém cén ctua hyperbol — PN
25 9
A. N. B. M. C. Q. D. P.

Loi gii

la* =25 a=>5 o . 3
Taco: = . Puong tiém cén cua (H) la: y=+—ux.
b=3 5
Vay diém P(S\/E;?a\/g) thudc dudng tiém cén cia (H)

Tim phuong trinh chinh tic cua Hyperbol (H ) biét n6 c6 truc thuc dai gip doi truc 4o va cd

tiéu cy bang 10.

2 2 2 2 2 2
RN iy c. X D.
16 4 16 9 20 5
L
20 10
Loi gidi
Chon C.
a=2b a=2b 2 _ng ) ,
Taco:12¢=10 =4c=5 = ¢ = . Phuong trinh (H):x——y—zl.
b’ =5 20 5

cF=a*+b* 5b* =25

Tim phuong trinh chinh tic cua Hyperbol (H) biét n6 di qua diém (2;1) va c6 mot duong

2 2
chuanla x+—==0.

N

2 2 2 2
A=l B. L L 1 c. -2 =1 D.

2 3 3 2

2
Loi gidi
Chon D
2 2

Goi (H): 5~ =1



Ciu 38.

Cau 39.

Cau 40.

N
2 2 2
a b 4 —
az 2 3 “ a2:2, b2:1
Taco: . —=— =1c’==a" = 10
c \/g 4 ad=—=,b"=5
) 2
b’=c*—a a 2:§a4_a2
(4—a

Tim phuong trinh chinh tic ciia hyperbol néu né di qua diém <4; 1) va c6 tidu cu bang 2+/15 .

2 2 2 2 2 2
AL o B.—-2X 1. c. L 1. D.
14 7 12 3 11 4
2 2
X_+y_:1
4
Loi giai
Chon B
2 y2
Goi |H):———==1
( )a b2
42 12
DT
a b
16b° —a*> = a’b’ =12
Ta co: 2c:2\/E = @ =a = “ . Phuong trinh
., |l@+DbP =15 b*=3
c-=a +b
2 2
e
12 3

2
. X
Duong tron ngoai tiep hinh chit nhat co s¢ cua hypebol T - y2 =1 c6 co phuong trinh la:

A X+’ =1. B. x’+)° =5. C. x*+y’ =4 D.
x*+y° =3.

Loi giai
Chon B.

Cla®=4 a=2
Ta co: =
b =1 b=1

(—2; — 1). Dudng tron ngoai tiép hinh chit nhat co s¢ c6 tim 0(0;0) ban kinh R = \/g

. Toa do cac dinh hinh chit nhat ¢& sé 1a (2;1) , (2; — 1) , (—2; 1) ,

Phwong trinh duong tron 1a x* + y* =5.
Tim phuong trinh chinh tic cta Hyperbol (H ) biét n6 c6 mot dudng tiém can la x—2y =0

va hinh chit nhat co s& clia n6 ¢6 dién tich bang 24 .



Cau 41.

Cau 42.

2 2 2 2 2 2

AL oy B. -2 o, c. L D.
12 48 3 12 12 3
x2 y2
48 12
Loi giai
Chon C.
b 1
== =2b 212 2 2
Taco:1a 2 :>a :>a Phuongtrmh(H) x——y—zl.
2a°> =24 b =3 12 3
a.b=24

2

Cho Hyperbol (H ) : x?— y*=1.Tim diém M trén (H ) sao cho M thudc nhanh phai va

MF, nho nhat (ngdn nhat).

M(—2;0). B. M(2;0). C. M(1;0). D. M(—1;0).
Loi giai
Chon B.
a’=4 a=2
Tacé: {b* =1 =ib=1

C2:a2+b2 C:\/g

Goi M(x:y,)€(H).
2

Ta co: %—yz =leox’ =4(y2+1). M thudc nhanh phai ctia (H) nén x, >2.

4 4
MF =2+—F=x,>22+— —_
N 5
2

Cho Hyperbol (H) : %—yz =1. Tim diém M trén (H) sao cho khoang cach tt M dén

MF, nh6 nhét bing khi M = A(2;0).

duong thang A: y = x+1 dat gia tri nho nhat.

B. M|— C. M(—z;o). D. M(z;o).

Chon B.

Nt

Loi gidi

Goi M(xo;yo) € (H) . Phuong trinh tiép tuyén cia (H) tai M la d: X% =1.

4TV, % ;.
Alld khi | - =Y, = 7 thay vao (H) ta co:



Ciu 43.

-1

NERNG R

Cho hyperbol (H):3x*—4y* =12 c¢6 hai tiéu diém 1a F], F,. Tim trén mot nhanh cta
(H ) hai diém P, Q sao cho AOPQ la tam giac déu.

VmM[ ]taco d(M.n)=

P ﬂ;zﬁ], Q[_ﬂ_zﬁ]. . p|- 65, zf]
575 5 5 575
0|83, 15|
5 5
(B ol 2] [ of 20|
575 5 5 5 5
0|83, 215 |
5 5
Loi giai
Chon C.
Taco;(H):3x2—4y2=12@%—y?=1.

Goi P(xo;y0> € <H) = Q(xo;—yo) (Do (H) dbi xtrng voi nhau qua Ox )
AOPQ déu < OP = PQ
& 4y§ = xé —}—yé & xé = 3y§ . Thay vao (H) ta co:

y:2\/E
0x dyi=12e| SJ_ x_i%.
N

Yo

Vay P #ﬂ] Q[6\/_ ZJ_]

5 575




Cau 44.

Ciau 45.

Ciu 46.

2
X

Cho hyperbol (H): -y =1.Laytayy M (xa;yv) € (H) Tinh tich khoang cach tu M

4
dén hai tiém can cua (H ) .

N 5.3, ot p 35
J5 4 5 2
Loi giai
Chon C.

2

a =4 a=?2

Ta co: = . Cac duong tiém cén cua (H) la A1 x+2y=0 va
b* =1 b—1

A:x—2y=0.
Goi M(xo;yo) E(H) . Lac do:

d(M,A]>.d(M,A2): |x0 +2y0|'|x0 _2y0| _ |x§ —4y§| _4

5 5 5

x2 y2
Cho hyperbol (H ) : _Z_b_z =1. Biét tich khoang cach tir M dén hai duong tiém can bang

a
mot s6 khong d6i va bang?

ab a’b’ s, a* + b’
. . B'ﬁ C.a+b. D. Y
a+b a +b ab
Loi giai
Chon B.
Hai duong tiém cén cta (H) la A :bx+ay=0va A :bx—ay=0.Goi
M(xo;yo) € (H) . Lac do:
2.2 2.2
d(M A ).d(M A ): |bx0 —|—ay0|.|bx0 —ay0| |b X, —a y0| _ a’b’ '
! ? /az e ’(—a)z b a’+b’ a’+b’

x>y .
Cho hyperbol (H ):2—5—E =1 ¢6 hai tiéu diém £, F,. V6i M 1a mot diém thy y thudc
(H). Hay tinh S =(MF, + MF,)’ —40M’

1
A. 8. B. 1. C. —. D. 64.
64

Chon D.
a* =25 a=>5
Taco: {b° =16 =1b=4 .
A=a+b  |e=+a1



Cau 47.

Cau 48.

Ja1

Goi M(xo;yo) € (H) . Khong mét tinh tong quat, gia sir x,>0.Lacdo:MF, =5 —I—?x ,

m

MF, :—5+Tx, OM = x§+y§.

2
5—}—@)60 —5—|—Ex0 —4<x§ —l—yg) :6—4x2 —4y§

S =(MF, + MF,)’ —40M* = : 2o

:64[96_3_£

25 16

Trong mat phang véGi hé truc toa do Descarter vuong goc Oxy, cho hypebol (H ) c6 phuong

2 2

frinh: %—y? =1 vadiém M (2;1). Viét phuong trinh duong thing d di qua M, biét ring

duong thing d6 cat (H ) tai hai dim A, B ma M la trung diém ciia AB.

A.d:x—2y=0. B.d:3x+y-5=0. C.d:x—y-5=0. D.
d:3x—y-5=0.
Loi giai
Chon D.
Goi A(xo;yo)zdﬂ(H).Vi M(Z;l) 1a trung diém ciia AB nén B(4—x0;2—y0>€<H>.
2 2
Suy ra (4—2x0) _(2—3y0) :1<:>—4x0+%y0+?:0(:)on—yO—S:O.

Vay phuong trinh duong thang d :3x —y—5=0.
Cho hyperbol (H):x*—y*=8. Viét phuong trinh chinh téc ca Elip (E) di qua diém
A(4;6) va cé tiéu diém tring véi tiéu diém cda hyperbol dé cho.

2 2 2 2

A (E):=+2 =1, B. (E):—+2 1.
16 36 48 64
x2 y2 x2 y2
C.(E):—+=—==1. D.(E): =1.
()5 ( )22+3J§+21+3\/§
Loi gii
Chon C.
a’ =8 a:2\/5
(H) c6 {0 =8 = 1b=22.Titudiémcia (H) 1a F,(~40), F,(4:0).

cc=a*+b* c=4

(E) c6 tieu diém 1a F;(—4;0), F,(4;0) vadi qua A(4:6).



c=4

2 2, 2 a’=b"+16 a’ =64

Tacé: ja" =b"+c" = 5 5 ) > =, .
e 166> +36(b* +16) = (0> +16)b" " |p? = 48
2ty

2 2
Viy (E):g—4+i—8:1.

Ciau49. Lap phuong trinh chinh tic cia hyperbol (H ) voi Ox la truc thyc, tong hai ban truc

. 3
a+b =7, phuong trinh hai tiém cén: y = izx .

2 2 2 2 2 2

A(H): -2 -1 B (H):S-Z -1 c(H):Z5-L=1.p

3?4 4> 3 28° 217
xZ y2
TS T
Loi giai
Chon B.
a+b="17 0 PER
Ta co: =1 . Phuongtrinh (H): ——Z-=
R H): 5
a 4
x2 yZ
Cau 50. Cho hyperbol (H ):F—3—2=1.L€1p phuong trinh tiép tuyén cua (H ) song song voi duong
thang d :5x—-4y+10=0.
A. 5x—-4y+4=0, 5x-5y-4=0. B. 5x-4y-16=0 va
5x—4y+16=0.
C.5x-4y—-16=0. D. 5x-4y+16=0.
Loi giai
Chon B.
Goi M(xo;yo) € (H) . Phuong trinh tiép tuyén cua (H) tai M 1a A:M—M: 1.
16 9
%%
A//d@ﬁz—gz_—l#ﬁ:y—o.Tacéhéphuorngtrinh
5 -4 10 20 9
Yo _ Yo 9
— = X, =5y, =~
20 9 4
2 2 = 9
Do Ny |y =-5y,=—>
16 9 0 0 4

Vay c6 hai tiép tuyén thoaman 1a Sx—4y—-16=0 va Sx-4y+16=0.






CHUYEN PE: PHUONG PHAP TQA PQ TRONG MAT PHANG
BA PUONG CONIC
A.TOM TAT LY THUYET
PHAN 3: PUONG PARABOL
A.TOM TAT LY THUYET

1. Pinh nghia: Cho diém cb dinh F va duong thing ¢ dinh A khong di qua F. Parabol(P) 14 tap hop cac
diém M cach déu diém F va duong thing A.

Diém F goi 1a tiéu diém clia parabol.
Puong thang A duogc goi 13 dwong chudn cta parabol

p = d(F; A) duogc goi 1a tham s6 tiéu cta parabol. YA

2.Phwong trinh chinh tic ciia parabol:
K M(z;y)
Véi F

g;O]VéA:x:—§<p>0)

O
=y

M(ac,y) € (P) &y =2pz (3)

(3) dugc goi la phuong trinh chinh tic cia parabol

3.Hinh dang va tinh chdt cua parabol: Hinh 3.5

+ Tiéu diém F[g;o]

+ Phuong trinh duong chuan: A : z = —g

+ Gdc toa do O duge goi la dinh cua parabol
+ Oz duge goi 1a truc ddi xing

) A . _ ) _ p
+ M(z,;y, ) thude (P) thi:  MF = d(M;A) =z, +3
B. PHUONG PHAP GIAI TOAN
1-BAI TAP TU LUAN:

Vidu1: Viét phuong trinh cua parabol biét:
a) Ox la truc do1 xting va tiéu di€ém la F(4;0).
b) Ox 1a tryc d6i xtng va tiéu diém 1a F(-2;0).
¢) Tiéu diém1a F(0;1)va duong chuan y=—1.
Gidi

a) Phuong trinh cta parabol nhan Ox lam truc d6i xtmg 13 y* =2 px
Vi F(4,0) = §=4 - 2p=16 = (P): y* =16x
b) Phuong trinh ctia parabol nhan Ox 1am truc ddi ximg 13 y* =2 px

Vi F(-2;0) = gz—z =  2p=-8 —  (P):y’ =—8x

¢) Vi F(0;1) e Oy = Phuong trinh (P):x’ =2py = gzl = 2p=4
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= (P):x’ =4y
Vidu2: Cho Parabol (P):y* =2px va dudng thang D:2mx—y—-mp=0.Goi M',M"1a giao diém
cta (D) va (P). Ching minh duong tron duong kinh MM " tiép xtc voi duong chudn cua (P).

Giai
Tacd (P):y* =2px co tiéu diém (%;Oj e (D) Ay D
V& M7, M'J 1an luot vudng goc voi duong chuin A . Goi I k
(k) 14 trung diém cua MM" . M

V& KH L (A).

Theo dinh nghia cta parabol: > X
MF=d(M',A)=MT 0 \/F(sz; 0)
M'F=dM",A)=M"J J

Do d6 KH 1a duong trung binh cta hinh thang /M 'M'J nén ta cé: M"
KH:d(K,A):MI—l—MJ:MF;MF:M;M _ R /

Vay duong tron dudng kinh MM " tiép xuc v6i dudng chuan A.
Vidu3: Chodiém M e(P),y* =64x va Ne(D):4x+3y+46=0.
a) Tim toa do M, N d,é MN ngén nhét. ) )
b) Chung minh véi két qua tim dugc thi MN vuong goc véi ti€p tuyén tai M cua (P).

Gidi
2
a) GQiM[%;mJE(P)
2
4;; HImedol
m
d(m,(D)) = =—| —+3m+46
(m, (D)) 5 5(16 m J

2

(vi T—6+3m+46>0d0 A<0)

2

Xét f(m)= T—6+3m 146

f’(m)=%+3, Fim)y=0 <> m=-24

m -0 -24 +0
s = 0 +
Vay f(m) nho nhit < £ \ /
b) Lic dé phuong trinh tié CT

Wy =32(x,, +x) < y(-24) =32(x+9) © 4x+3y+36=0
Phuong trinh dudng thing qua M va vudng goc véi (D) la:
3x—4y+m=0
M e tiép tuyén =3.9-4(-24)+m=0=m=-123
Vay phuong trinh duong thing qua M va vudng goc (D) la:
3x-4y—-123=0
o 37
3x—4y=123 T 5 -
Y = > :>N(3—7'—126
4x+3y=-36 y 126

2

5 5
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Do d6 MN = (—%;—g} cung phuong véi PVT cua (D) 1a n= (4;3)

Vay MN vuong goc ‘Eiép tuyén tai M. 9
Vidu 4: Trong mat phang Oxy cho F(3;0) va duong thang d :3x-4y+16=0
a) Tim khoang cach tir F dén d, suy ra phuong trinh dudng tron tdm F va tiép xuc véi (d).

b) Viét phuong trinh parabol c6 tiéu diém M va dinh 1 gbc toa d6 O. Chimg minh rang parabol d6 tiép

xuc voi d. Tim toa do diém tiép diém.
Gidi
9-4(0)+16] 5
V9+16 )
Vay duong tron tam F, tiép xuc véi d c6 ban kinh R =5.
Do d6 phuong trinh la: (x—3)° +(y—0)* =25
b) Parabol tiéu diém F(3;0), dinh = O c6 phuong trinh 1a:

a) d(F,d)=

Y =2px Vé’i§=3:>p=6
Vay (P) c6 phuong trinh y* =12x
e Chimg minh (P) tiép xuc véi (d):

(d):3x—4y+16=0 < x =210

Phuong trinh tung d6 giao diém cta d va (P) 1a:

37 :12(4y3_16j<:>y2—16y+64=0<:>y1 =y, =8

Vi phuong trinh tung do giao diém c6 nghiém kép nén d tiép xuc véi (P) tai tiép diém co
_48-16 16
3 3

y=8=>x
Vay tiép diém la M(?;Sj
Vidu 5: Cho parabol (P):y* =16x
a) Lap phuong trinh tiép tuyén (P) sao cho vudng goc véi duong thing 3x—2y+6=0.
b) Lap phuong trinh céc tiép tuyén véi (P) di qua diém M (-1;0).
’ o Gidi
a) Goi D lati€p tuyen can tim.
Vi D vuong goc voi duong thang 3x—-2y+6=0
= Phuong trinh (D):2x+3y+m=0
Vi D tiép xtic v6i (P) < 3°.8=22m=m=18
Phuong trinh tiép tuyén (D) 1a: 3x—2y+18=0
b) Goi T,(x,,,) € P latiép diém < y? =16x,
Phuong trinh tiép tuyén cua (P) tai T, 1a y,y =8(x, +x) (A)
Vi A qua M(-1,0)=0=8(x,~-) = x,=1=y, =16 =y, =+4
e Vi T,(1;4) thi phuong trinh tiép tuyén A 1a 2x—y+2=0

e V6i T,(1;—4) thi phuong trinh tiép tuyén A 1a 2x+y+2=0
Tom lai, ta ¢ hai tiép tuyén 1a: 2x— y+2=0 va 2x+y+2=0
Vidu 6: Cho parabol (P):y* =2x

a) Xac dinh duong chuén, tiéu diém, v& (P). ) )
b) Cho duong thang (D):x—2y+6=0. Tinh khodng cach ngan nhat giira (D) va (P).
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a)

b)

2
Vidu 7: Cho parabol (P):y —% va diém A(% 2}

a)
b)

a)

b)

Giadi
Tacé y* =2x co dang:

1 1 h
2_2px =2 =2:£=—:>F(—;O 1y
Yy =2px=2p 5=7 5

— Phuong trinh dudng chuan 1a x =——

Goi M[m?z,mj e(P) O\ F
m—2—2m+6 .
= P 4m+12 |=—— 2)"+8
NG 2\/§[m m+ ] I[(m ) + ]
1 2, 4
I
: 4 45
Tathayd(M,(D))=—=T<:>m:2

J5

d(M,(D)) =

Vay M(2;2)

8
Viét phuong trinh dudng thang qua M . (—l;%j va vudng goc vai tiép tuyén cua (P) tai M -
Tim tat ca nhitng diém M e Psao cho AM vudng goc tt, (P).
Giai
x° 1
Ta co (P):y=7 va M, (—I;EJ = M, e(P)
Phuong trinh tiép tuyén cta (P) tai M | la:

1 1 1
—(y0+y) x0x<:>2+y——x<:>y——x—5

1
S x+y+—=0
4 2

Phuong trinh dudng thing A qua M , vavuong goc tt,,(P) la:
x—-y+m=0

M —l;l eA:—l—l+m:O:>m:é
2 2 2
Phuong trinh dudng thiang A 1a x— y+%= 0

M[m;m?zj e(P)

Phuong trinh tiép tuyén tai M la:
2

_(yo_,_y) lxox:>mx y—m?_o 6 PVT u= (m;-1)

2
Taco: AM =| m—2m_27
g8 2 8
2
Vi AMLttM(P)QuFJAMQm(m?—%j:_ %5
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& 4m’ —19m-15=0< (m+1)(4m*> —4m—-15)=0

om=—1m —_—3 m —é
1 s 2’ 3 3
Vay ta c6 ba diém M la: M, —1;l M, —3;3 M, é;2 .
2 2’8 378

Vidu 8: Cho parabol (P): y* = 4x. Ching minh rang tir mot diém N tiy ¥ trén dudng chuan A cua (P)

ta co thé ké duoc hai tiép tuyén dén (P) va hai tiép tuyén nay vudng goc véi nhau.

Gidi
Tacéd: y* =4x = p =2 = phuong trinh dudng chuan A:x = P
Goi N(-1;n)e A
Phuong trinh dudng thing d qua N, hé sb goc k 1a:
kx—y+k+n=0
d tiép xtic v6i parabol < 2(=1)* = 2k(k +m) < 2k* +2mk -2 =0 (*)

Co A=n*+4>0 va k1k2=—§=—1

Vay phuong trinh (*) ¢6 hai nghiém k,,k, phan biét va k,,k, = —1. Do d6 tir mt diém N bat ky thude

A ta ludn ludn v& dugce hai tiép tuyén véi (P) va hai tiép tuyén nay vudng goc véi nhau.
Vidu9: Cho (P):y=x>—-2x+3.Vaduong thing (D) la duong thing cing phuong voi duong thing
y =2x sao cho (D) cat (P) tai hai diém A, B.

a)
b)

a)

b)

Vié:t phuong trinh duong théng (D) khi hai tiép tuyén tai A, B ctia (P) vudéng goc voi nhau.
Viét phuong trinh duong thang (D) khi AB =10
Gidi
Vi (D) //ly =2x = Phuong trinh (D):2x—y+m=0
Phuong trinh hoanh d¢ giao diém cua (D) va (P) 1a:
x’ —2x+3=2x+m< X —4x+3-m=0 (1)
(D) cat (P) tai haidiem A,B < A'=4-3+m=1+m>0
S m>-—1
Tacd (P):y=x"-2x+3= f'(x)=)' =2x-2
Vay hé s6 goc 7, (P) 1a f'(x,)=2x,-2
hé s6 goc 1t,(P) 1a f'(x,)=2x, -2
Taco: f'(x,).f'(xz)=—1<1t,(P) Ltt,(P)
SA4x, -Dx,-)=-14x,x, —4(x, +x;5)+4=-1 (2)

Vi x,,x, la nghiém cua phuong trinh (1) nén x, +x, =4,x,.x, =3-m

Thay vao (2),taco: 43-m)—44+4=-1<m =%

Phuong trinh dudng thang (D) 1a: y =2x +% .

Taco: AB* =(x,—x,) +(y;—y,) 3)
Ma y, =2x, +m,y,=2x,+m=y, -y, =2(x, —x,)
Vay AB* =5(x; —x,)* =100 & (x; —x,)* =20

< x5 +x; +2x ,x, —4x x, =20

< (x, +x,)" —4x,x, =20

4 -43-m)=20m=4

Vay phuong trinh (D):y=2x+4
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II-BAI TAP TRAC NGHIEM

Cau 1.

Cau 4.

Cau 6.

Dbinh nghia nao sau day la dinh nghia duong parabol?

A. Cho diém F cb dinh va mot dudng thang A ¢ dinh khong di qua F . Parabol (P) la tap
hop cac diém M sao cho khoang cach tir M dén F bang khoang cach tir M dén A.

B. Cho F,, F, c6 dinh véi FF,=2c, (c>0). Parabol (P) 1a tap hop diém M sao cho

|MF, — MF,
C. Cho F,, F, ¢ dinh véi FF,=2c, (¢>0) va mot do dai 2a khong ddi (a >c). Parabol
(P) 1a tap hop cac diém M sao cho M €(P)< MF, + MF, =2a.

D. Ca ba dinh nghia trén déu khong dung dinh nghia ciia parabol.
Loi giai

=2a voi a lamot s6 khong doi va a<c.

Chon A

Dinh nghia vé parabol 1a: Cho diém F c6 dinh va mot duong thang A cb dinh khong di qua
F . Parabol (P) 1a tap hop cac diém M sao cho khoang cach tir M dén F bang khoang cach
tir M dén A. (Cac ban xem lai trong SGK).

Dang chinh tic cta Parabol 1a
2 2 2 2

X X

A.?+Z}—2:1. .a—z—Z—zzl. C. y’ =2px. D. y=px’.
Loi giai

Chon A

Dang chinh tic ciia Parabol 1a y* =2 px . (Cac ban xem lai trong SGK).

Cho parabol (P) c6 phuong trinh chinh téc 1a »* =2px, véi p > 0. Khi d6 khang dinh ndo sau

day sai?
A. Toa do tiéu diém F (g;OJ . B. Phuong trinh dudng chuin A: x +§ =0.
C. Tryc ddi ximg cta parabol 1a truc Oy . D. Parabol ndm vé bén phai truc Oy .
Loi gidi
Chon A

Khang dinh sai: Truc ddi xtmg ciia parabol 1a truc Oy . Can sta lai: truc d6i xing cta parabol
la truc Ox . (Céc ban xem lai trong SGK).
Cho parabol (P) c¢6 phuong trinh chinh tic 1a y°=2px véi p>0 va dudng thing

d:Ax+By+C=0.Dicukién dé d latiép tuyén cia (P) la

A. pB=2A4C. B. pB=-2A4C. C. pB> =24C. D. pB*=-2A4C.
Loi giai

Chon C

Li thuyét

Cho parabol (P) c6 phuong trinh chinh tic 1a y* =2px véi p>0 va M (x,;y,)€(P). Khi do

tiép tuyén cua (P) tai M la

A. yoy:p(xo—x). B. yoyzp(x—xo). C.y:p(x0+x). D. yoyzp(xo-i-x).
Loi gidi

Chon D

Ly thuyét.

Cho parabol (P) c6 phuong trinh chinh tic 1a y* =2px v6i p>0 va M(x,;y,)e(P) véi

Yy >0. Biéu thtc nao sau diy dung?
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Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

A MF=y,-Z. B.MF=y,+2.  c. MF=-y, +2.
2 2 2

Loi giai

Chon B

Ly thuyét

Cho parabol (P) c6 phuong trinh chinh tic 1a y* =2px véi p > 0. Phuong trinh dudng chuan

cua (P) la

P 14

A.y 5 B. y % C.y=p.
Loi giai

Chon A

Ly thuyét

D. MF =

)4
Yu _E‘ .

D. y=—p.

Cho parabol (P) c¢6 phuong trinh chinh tic 14 y>=-2px véi p>0. Phuong trinh duong

chuin cua (P) la

P 4
Ay 5 B. y 5 C.y=p.
Loi giai
Chon B
Ly thuyét

DPuong thang nao 14 duong chuén ctia parabol y* = %x

A.x:—i. B.x:z. C.x:i.
4 4 2
Loi gii.
Chon D.
Phuong trinh chinh tdc ctia parabol (P):y* =2px

=>p =% = Phuong trinh duong chuan 13 x +% =0.
Viét phuong trinh chinh tic cta Parabol di qua diém A(5;-2)
A.y=x"-3x-12. B.y=x>-27. C.y* =5x-21.

Loi gii.
Chon D.
Phuong trinh chinh tic ctia parabol (P):y* =2px
A(5-2)e(P) :»zp:%
R . , 4
Vay phuong trinh (P): y* = 3*
Puong thang nao 1a duong chuén ctia parabol y* = —4x ?
A.x=4. B.x=2. C.x=1.
Loi gii.
Chon C.
Phuong trinh chinh tic cta parabol (P):y* =2px
= p=-2 = Phuong trinh dudong chuanla x—1=0.
Viét phuong trinh chinh téc ctia Parabol di qua diém 4(1;2).
A y=x"+2x-1. B. y=2x". C. y’ =4x.
Loi gii.

D.y=—p
D. x:—é.
8
4x
D. y’ =—.
Y 5
D. x=+1
D. y* =2x.
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Chon C.
Phuong trinh chinh tic ctia parabol (P):y* =2px

A(L,2)e(P) =2p=4
Vay phuong trinh (P): y* =4x.
Cau 13. Cho Parabol (P): y* =2x. Xac dinh dwong chuan cua (P).

A. x+1=0 B. 2x+1=0 c,xzé
Loi gisi.
Chon B.

Phuong trinh dwdng chuin x = —%.

Cau 14. Viét phuong trinh chinh tic ciia Parabol biét duong chuan co phuong trinh x +% =0

=

Ay’ =x. B.y’> =—x. C.y’ = > D. y* =2x.

Loi gii.
Chon A.
Phuong trinh chinh tdc cta parabol (P):y* =2px
Parabol ¢ dudng chuan x+%=0 =p =% =(P):y’ =x.

Cau 15. Cho Parabol (P) c¢6 phuong trinh chinh tic y* = 4x. Mot dudng thang di qua tiéu diém F cia
(P) cat (P) tai2 diém A4 va B.Néu A(1;-2) thi toa dd cia B bang bao nhiéu?
A.(1;2). B.(4;4). C.(-12). D. (2:242).
Loi giai.
Chon A.
(P) c6 tiéu diem F(1;0)
Puong thing AF :x=1
Dudng thing AF cét parabol tai B(1;2) .

2 a2 1
Cau 16. Diém nao la tiéu diém cta parabol y° = 7 ?

A.F(l;()j. B.F(O;lj_ C.F(_l;()j, D. F(l,()j
8 4 4 2

Loi giai.
Chon A.
, 1 1
Taco: p=— :F(—;Oj
4 8
Cau 17. Khoang céch tir tiéu diém dén dudng chudn ciia parabol 3* =+/3x la:
A.d(F,A)=A3. B. d(F,A)=§, C. d(F,A):?_ D. d(F’A)zg.
Loi giai.
Chon C.
Taco: p =£ =F ﬁ;o va duong chuan A:x=—£
2 4 4
Vay, d(F,A)= %
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Cau 18. Viét phuong trinh chinh tic cta Parabol biét tiéu diém F(2;0).
A. y* =4x. B. y° =8x. C. y* =2x. D. y=—x".

Loi gii.
Chon B.
Phuong trinh chinh tdc ctia parabol (P):y* =2px

Tiéu diém F(2;0) = p=4
Vay, phuong trinh parabol y* = 8x.
Cau 19. Xic dinh tiéu diém cua Parabol c¢6 phuong trinh y* = 6x

A.(i;o). B.(0:-3). c. (_i;oj. D. (0:3).
2 2

Loi gii.
Chon A.

Tacod: p=3 =tiéu diém F(%;O].

Ciu 20. Viét phuong trinh chinh tic ctia Parabol biét dudng chuin c6 phuong trinh x+1=0

A. y’ =2x. B. y’ =4x. C.y=4x". D. y° =8x.
Loi gii.

Chon B.

Phuong trinh chinh tic cta parabol (P):y* =2px

Pudng chudn x+1=0 suyra §=1 =2p=4 =)’ =4x.

Cau 21. Viét phuong trinh chinh tic ciia Parabol biét tiéu diém F (5;0)
A. y> =20x. B. y* =5x. C. y* =10x. D. y’ =—x.
Loi giai.
Chon C.
Phuong trinh chinh tic ctia parabol (P):y* =2px

Ta c6: tiéu diém F(5;0) = p=5 =2p=10
Vay (P):y2 =10x .

Ciu 22. Phuong trinh chinh tic ctia parabol ma khoang cach tir dinh t6i tiéu diém bang % la:

A. )’ =%x. B. )’ =6x. C. y’ =3x. D. )’ :Ex.
Loi gii.
Chon C.
Phuong trinh chinh tdc cta parabol (P):y* =2px
Khoang cach tir dinh O dén tiéu diém F(%;Ojlé g
Theo dé bai ta co: §=%:>2p:3
Vay (P):y2 =3x .
Cau 23. Viét phuong trinh Parabol (P)co tiéu diém F(3;0) va dinh la gbc toa do O
A.y* =-2x B.)’ =12x C.y* =6x D. y:x2+%

Loi gidi.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Chon B.
Phuong trinh chinh tic ctia parabol (P):y* =2px
Ta ¢6: §=3:>2p=12

Vay phuong trinh (P): y* =12x
Lap phuong trinh tong quat cua parabol(P) biét (P) co dinh A4(1;3) va duong chuan
d:x-2y=0.

A. (x+2y) ~10x-30y =0 B. (2x+y)" ~10x-30y =0
C. (x+2y) +10x-30y=0 D. (x+2y)" ~10x+30y =0

Loi gidi.
Chon B.
Goi M (x;y)e(P)
Taco: AM® =(x-1) +(y-3)’ d(M,d):|x:/§2y|

()C—Zy)2

Me(P)= AM =d(M,d)= (x-1) +(y-3)" =2—"1 < 4x’ + )y —10x—30y +4xy =0

Vay (P):(2x+y)" =10x-30y =0

Lép phuong trinh chinh tdc cua parabol (P) biét (P) co khoang cach tu dinh dén duong chuan
bang 2.
Ay =x B.)’ =8x C. y’ =2x D. y° =16x

Loi gii.
Chon B.
Phuong trinh chinh tic ctia parabol (P):y* =2px (p >0)

Dinh O va dudng chuan x = —g

Suy ra khoang cach tir O dén duong chuan 1a g =>p=4

Vay (P) : y2 =8x

Lép phuong trinh chinh tic cua parabol (P) biét (P) qua diém M voi x,, =2 va khoang tu M
dén tiéu diém la % :

A. )’ =8x B. y’ =4x C.y =x D. y° =2x
Loi giai.

Chon D.

Phuong trinh chinh tic ctia parabol (P) :y? =2px ( p> 0)

X, =2:>M(2;J_r\/@), tiéu diém F(%;O)

Ta co: MF> :(ﬁ—zjz vap=2 o P 48p-9-0c {p =1
2 4 p=-9
Vay phuong trinh chinh tic (P):y* =2x
Lép phuong trinh chinh tic cua parabol (P) biét mot day cung cua (P) vudng goc voi Ox co
d6 dai bang 8 va khoang cach tu dinh O cua (P) dén day cung nay bang 1.

A.y’ =16x B. y° =8x C. )’ =4x D. y> =2x
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Loi giai.
Chon A.
Phuong trinh chinh tdc cta parabol (P):y* =2px (p>0)
Day cung cta (P) vudng goc véi Ox c6 phuong trinh x=m va khoang cach tu dinh O cua

(P) dén day cung nay bang 1 nén m =1
Day cung x =1 chit (P) tai 2 diém A(1;\2p),B(1;—2p) = 4B=22p =8 = p=3
Vay (P):y2 =16x.

Cau 28. Cho parabol (P):y* =4x.Piém M thudc (P) va MF =3 thi hoanh d¢ ctia M la:

A. 1. B. 3. C. 2. D. i

Loi gii.
Chon C.
Me(P):y’ =4x= M(mz;Zm), tieu diém F(1,0)

Taco: MF* =(m*~1) +(2m) =9 ©m' +2m’ -8=0& "

Viy hoanh d6 diém M 1a 2.
Cau?29. Mot diém M thudc Parabol (P):y*=x. Néu khoang cach tir M dén tiéu diém F cia (P)
bang 1 thi hoanh do cta diém M bang bao nhiéu?

NG 3

A, — B. V3 C. - D. 3
2 V3 4

Loi gii.
Chon C.
Me(P):y’=x :>M(m2;m)

(P) c6 tiéu diém FG;O)

3
2 m =—
MFzz(mz—lj it mlemtrim Py o 4
4 2" 16 .5

Vay hoanh do diém M 1a %.
Cau 30. Parabol (P): y* =+/2x c6 dudng chuén Ia A, khing dinh nio sau day dang ?
A. Tieu diém F(~/2;0).
B.p= V2.
V2

C. Puong chuan A:x = e

. .2 : 2 2
D. Khoang cach tir tiéu diém dén duong chuan d (F,A)= %

Loi gii.
Chon C.
(P):yz :\/Ex:ng = du:(‘)'ngchuén x:—g
Cau 31. Mot diem A thude Parabol (P):y* =4x. Néu khoang cach tir 4 dén duong chuan bang 5 thi

khoang cach tir 4 dén truc hoanh bang bao nhiéu?
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

A. 4. B. 3. C. 5. D. 8.
Loi giai.
Chon A.
Taco: Ae(P)= A(m2;2m), duong chuan A:x=-1
Khoang cach tir A dén dudng chuén d(4,A)= |m2 + 1| =m’+1=5=>m’=4
Vay khoang cach tir A dén truc hoanh bang |2m| =4 .
Lap phuong trinh chinh tic cua parabol (P) biét (P) cit duong thang d:x+2y =0 tai hai
didm M,N va MN =45 .
A. )’ =8x B. )’ =x C.y* =2x D. y° =4x
Loi giai.
Chon C.
Phuong trinh chinh tic ctia parabol (P):y* =2px (p >0)
’ 2
Taco: d cit (P) aiM =0, N(-2m;m) (m<0) = MN* =5m’ =(4J5) =m=—4
M(8—-4)e(P)=>16=2p8=2p=2
Vay (P):y2 =2x.
Cho parabol (P): y* =4x. Puong thang d qua F cat (P) tai hai diém A4 va B.Khi d6 ménh
dé nao sau day dung?
A. AB=2x,+2x, B. AB=2x"+2x; C. AB =4x" +4x, D. AB=x,+x,+2
Loi giai.
ChonD.
Puong chuan A:x=-1
A,Be(P)= AF=d(A,A)=x,+1, BF=d(B,A)=x,+1
Vay AB=AF+BF =x,+x,+2.
Trong mit phang Oxy, cho parabol (P):y* =8x. Gia sir dudng thing d di qua tiéu diém cua
(P) va cit (P) tai hai diém phan biét 4,B c¢6 hoanh do tuong ung la x,, x,. Khi 46 ménh dé
nao sau day dung?
A. AB=4x,+4x, B. AB=x,+x,+4 C. AB =8x> +8x; D. AB=x,+x,+2
Loi giai.
Chon B. i
Ta c6: duong chuan A:x=-2
A,Be(P)= AF=d(A,A)=x,+2, BF =d(B,A)=x,+2
Vay AB=AF+BF =x,+x,+4.
Cho parabol (P): y* =12x. Duong thing d vudng goc voi truc d6i xung cua parabol (P) tai
tiéu diém F va cit (P) tai hai diém M, N . Tinh d dai doan MN .
A. 12 B. 6 C. 24 D.3
Loi giai.
Chon A.
Ta c6: (P) d6i xtmg qua truc Ox va c6 tiéu diem F (3;0)
x=3=y=46 = M(3;6),N(3;-6)
Vay MN =12
Cho parabol (P) :y* =2x, cho diém M e (P) cach tiéu diém F mot doan bang 5. Tong tung
do cac diém A (P) sao cho AAFM vudng tai F .
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Cau 37.

Cau 38.

Cau 39.

A. 5 B. 0 C. 3 D.

2
Loi giai.

N | W

Chon B.
(P) c6 tiéu diem F(%;Oj va phuong trinh dudng chuan A:x = —%

MF:5:>d(M,A):5:>xM+%:5:>xM=%:>yM:i3

2
Ae(P):sA(y—zA;yAJ
— (2 -1 -
FA:[AT;yA] ,FM =(4;£3)

i 1 11
LN
YaT (8 2)

y,=—2=A4(2;-2)

i 11
S [ .
YamTy (8 2j

v, =22 A(2;2)

Trong mit phang voi h¢ truc toa d6 Descarter vudng goc Oxy, hay viét phuong trinh cua

FALFM = FAFM =0=2(y}-1)£3y,=0 =

Parabol co tiéu diém F (—2; 2) va duong chudn A:y=4.

A. (P):y=—x"—4x+8 B. (P):y:—ixz—x+2

C. (P):y=—%x2—x+2 D. (P):y=x2+4x—8
Loi giai.

Chon B.

Goi M(x;y)e(P) :>MF:d(M,A)

= J(x+2) +(y=2) =|y—4] = (x+2) +(y-2) =(y-4)

Trong mgt phéng voi hé truc toa do Oxy , cho parabol (P) : y2 —8x =0. Xac dinh tiéu diém F

2 1,
= y=—-Xx"—x+2
YTy

cua (P).

A. F(8;0) B. F(1;0) C. F(4,0) D. F(2;0)
Loi giai.

Chon D.

(P):y* =8x

Vay tiéu diém F(2;0).
Trong mit phang voi hé truc toa do Descarter vudng goc Oxy, cho parabol (P): y :%x2 va
duong thang d : 2mx -2y +1=0. Khing dinh nao sau diy ding?
A. Voi moi gia tri cua m , duong thang d ludn cét (P) tai hai diém phan bigt.
B. Duong thang d ludn ct (P) tai hai di€m phan biét khi va chi khi m > 0.
C. Duong thang d ludn cit (P) tai hai diém phéan biét khi va chi khi m <0 .
D. Khong c6 gia tri ndo cua m dé d cit (P).
Loi giai.
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Cau 40.

Cau 41.

Cau 42.

Cau 43.

Chon A.
Phuong trinh hoanh d¢ giao diém cua (P) va d la
1 , 2mx+1

2
Vay d ludn cét (P) tai hai diém phan biét véi moi m .

SxP=2mx—-1=0¢c6 A'=m’ +1

Lép phuong trinh chinh tic cua parabol (P) biét (P) cit duong phan giac cua goc phén tu thu
nhét tai hai diém 4,B va AB=52.
A. y’ =20x B. y* =2x C.y’ =5x D. y* =10x
Loi giai.
Chon C.
Phuong trinh chinh tic ciia parabol (P) :y? =2px ( p> 0)
Puong phéan giac goc phan tu thir nhat: y = x

Taco: A=0, B(mm) (m>0) = AB* =2m* =(52) =m=5
B(5:5)e(P)=25=2p5=2p =5
Vay (P):y* =5x

Cho diém A(3;0), goi M 1a mot diém tuy ¥ trén (P): »* =—x. Tim gia tri nhd nhét cia AM .
A.3. B.g. C.ﬂ. D. 2
2 2 2

Loi giai.
Chon A.
Taco: M e(P)= M(—mz;m)
AM? =(~m> =3) +m* =m" +Tm’ +9
Vi m>>0 nén AM*> =9
Vay gia tri nho nhat cia AM 1a 3 khi M =0.
Trong mit phang voi hé truc toa d6 Descarter vudng goc Oxy, cho diém F (3;0) va duong
thang d co phuong trinh 3x—4y+16=0. Tim toa do tiép diém A cta duong thing d va
parabol (P) co tiéu diém F va dinh la goc toa do O.

A. A(i;sj B. A(§;6j C. A(E;Sj D. A(g;gj
3 3 3 3°2

Loi gidi.
Chon C.
(P) c6 tidu diém F(3;0) va co goc toa dd O suyra (P):y* =12x

3x+16

2
Phuong trinh hoanh d¢ giao diém cua d va (P) la [ j =12x < 9x* —96x+256=0

16
=X = ? =>)y= 8.
Trong mit phang toa do Oxy, cho parabol (P) c6 phuong trinh y* =x va diém 7(0;2). Tim
tat ca hai diém M, N thudc (P) sao cho IM =4IN .
A. M (4;2), N(L;1) hoac M (36;6), N(9;3).

B. M (4;-2), N(1;1) hodc M (36;,-6), N(9;3).
C. M (4;,-2), N(1;1) hoac M (36;6), N(9;-3).
D. M (4;-2), N(L;1) hodc M (36;6), N(9;3).
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Cau 44.

Cau 45.

Cau 46.

Loi giai
Chon D
Goi M(mz;m)e(P), Ne(n2;n)e(P). Khi d6 ta c¢o IM:(mz;m—2),
IN =(n*;n—2) = 4IN = (4n";4n-8).
Viﬁz47ﬁ¢>{m2:4nz @{m:6hoac {m:—2

m—2=4n-8 n= n=-1
Vay céc cdp diem thoa 1a M (4;-2), N (1;1) hodc M (36;6), N(9;3).
Trong mat phéng voi hé truc toa d6 Descarter vuong gdc Oxy, cho A(Z;O) va diém M di
chuyén trén duong tron (C) tim O ban kinh bang 2, con diém H la hinh chiéu vudng goc
cua M lén truc tung. Tinh tpa do cua giao diém P cua cac duong thang OM va AH theo goc
o - (04.00).
A P( 2cosa ; 2sina j’{Va¢7Z+k27r B. P( 2sina  2cosa j’{vaiﬂ'+k2ﬂ
l+cosa l+cosa ) |keZ kelZ

C. P(2sina;2cosa) D. P(2cosa;2sina)

Loi gidi.

9
l+cosa 1+cosa

Chon A.

M e(C)= M (2cosa;2sina)

H 1ahinh chiéu M 1én Oy suyra H(0;2sina)

Puong thing OM : y = tan ar.x

Puong thing AH : y =—sina.x+2sina

Toa dd giao diém P cia OM va AH thoa tana.x =—sina.x+2sina

2sina 2cosa 2sina  |Va#rm+k2n
=>Xx= - = D y=tanoax=———,
tana+sina  1+cosa l+cosa |keZ
Cho M la mét diém thudc Parabol (P): y*=64x va N la mot diém thupc dwong thing
d:4x+3y+46=0. Xac dinh M,N dé doan MN nga‘in nhét.
A M (~9:24), N (5:-22) B. M(—9;24),N(—3?7;%j
C. M (9;-24),N —5;ﬁ D. M (9;-24),N ﬂ;_g
3 5 5
Loi giai.
Chon D.

M (P)=> M (m*;8m)

[4m® +24m + 46 ‘(2""1 +6) + 10‘ -
- 5 - 5 -
d(M,d) dat gié tri nho nhat khi m=-3 = M (9;-24)

N 13 hinh chiéu cia M 1én duong thing d
Puong thang MN :3x—-4y—-123=0

d(M;d)

N 14 giao diém MN va d suyra N(%;—%).
Cho parabol (P):y* =4x va duong thing d:2x-y-4=0.Goi 4,B la giao diém cua d va
(P). Tim tung do dwong ctia diém C e (P) sao cho A4BC co dién tich bang 12.
A. 3 B.6 C.2 D. 4

Loi gii.
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Cau 47.

Cau 48.

Cau 49.

Chon B.
Tacé: d cat (P) tai A(4;4);B(1;-2)

Ce(P)=C(c*2c)
AC=(c’ —4;2c-4)
BC=(c’-1;2c+2)

Dién tich tam gidc 4BC: S . =%‘(c2 —4)(2c+2)=(c*~1)(2c-4)| =12

-2
6¢* —6c—12|= 24:{
c=3
Vay tung d6 cia diém C duong 13 6.
Cho parabol (P):y* =x va duong thing d:x-y-2=0. Goi 4,B la giao diém cua d va

(P). Tim tung d6 diém C & (P) sao cho AABC déu.

A ~1+4/13 B. ~1-+/13
2 2
-1+ ; .
C. 1_2\/5 D. Khong ton tai diém C.
Loi giai.
Chon D.

Phuong trinh hoanh d¢ giao diém cua d va (P): (x—2)2 =x & {x = A(L-1),B8(42)

Ce(P):>C(c2;c)
AB=32 , AC=\/(CZ—1)2 c+1 , BC = \/c - - )2
_1+\/7

2

AC=BC=6c*+6c—18=0 = ¢

So véi diéu kién AC =32 ta thdy khong c6 gi trj ¢ thoa.
Vay khong ton tai diém C thoa de.
Cho Parabol (P):y* =2x va duong thang A:x—2y+6=0. Tinh khoang cach ngén nhét gitra

A va (P)

A. d 4\/_ B. dmin =2 C. dmin :¥ D. dmin =4
Loi giai

Chon A.

Goi M (P)= M (2m*;2m)

2m® —4m+6| ‘ , 4
= 1 (m=1)" + 2‘ >

NI e B BV
Trong mat phéng voi hé truc toa d6 Descarter vuong gdc Oxy, cho diém A(O;Z) va parabol
(P):y=x".Xac dinh cac diém M trén (P) sao cho AM ngin nhat.

d(M;A)=

A. M ﬁ,i hoac M —ﬁ;é . B. M[E,EJ hoac M(—z;gj.
2 2 2 2 24 2°4

C. M ﬁ,i hoac M —£ i D. M ﬁ,z hoac M ——7;Z .
2 4 "4 2 4 2 4
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Loi giai.
Chon A.
M e(P) :>M(m;m2)

2 3V 7.7
AM2=m2+(m2—2) =m'-3m’+4=|\m’-=| +—->—
2) T4y
AM ngén nhét khi m2—§:0<:>m:i§
Vay, M ﬁ,i hoac M —ﬁ;i .

2 2 2 2

2

Cau 50. Cho parabol (P):y=x" vaelip (E):%+y2=1.Khi d6 khang dinh nao sau dy ding?

A. Parabol va elip cit nhau tai 4 diém phan biét.
B. Parabol va elip cit nhau tai 2 diém phan biét.
C. Parabol va elip cit nhau tai 1 diém phan bigt.
D. Parabol va elip khong cit nhau.

Loi giai.
Chon B.
ol 5J13
, —_TOND
Phuong trinh hoanh d¢ giao diém cia (P) va (E ) a2 txi=le 18
18

Vay (P) cit (E) tai 2 diém phan biét.
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BAI TOAN THUC TE VE BA PUONG CONIC
Vidu 1: Mét‘ngu:(‘yi ki su thiét ké mot dudong ham mot chjéu co mét’ cét 1a mot nira
hinh elip, chi€u rong ctia ham 1a 12m, khoang cach tir diém cao nhat cua elip so voi
mat duong 12 3m. Nguoi ki su ndy mudn dua ra canh bao cho céc loai xe c6 thé di
qua ham. Biét rang nhiitng loai xe tai c6 chiéu cao 2,8m thi c6 chiéu rong khong qua
3m. Hoi chiéc xe c6 chiéu cao 2,8m c6 thé di qua him duoc khong?

YA
1 ) D D SN SIS = Il 1 1 1 Ll
N S N R SN SN SN WD NN NN SN S SN S
1 - 1 | ———
]1[ Illljll 'II 1 IIII]'TI‘I[ IIII-
- ———— - - I . —
T Y r T YT T T Y Y YT T T
I - —— - | - I -
W N ..
1 - — - - ' -
| S D BN SN SN NS SN S W | N - -
IL L lrl |- Bl - - - 1 ]-
-
% % >
0 A X
\ e
Loi giai

2 2
Phuong trinh chinh tic cua elip c6 dang x—2+Z—2 =1(a,b>0)
a

Theo dé bai thi elip di qua cac diém A(6;0)va B(0;3).

6> 0°
—~t5=1 2 _136
Do d6 ta co: a b & “
0> 3? b’ =9
2!
2 2

Vay phuong trinh cua elip 1a ;—6 + 21

9

Vi nhitng xe tai ¢ chiéu cao 2,8m, chiéu rong cta xe tai 1a 3m twong Gmg véi
x=1,5.Thé x =1,5 vao phuong trinh elip ta dugc

2 2 2
LY LY o3 /1_1’5 ~2,9>2.8.
36 9 36

Vay 6 to tai c6 thé qua dudong ham, tuy nhién 6 t6 phai di vao chinh giita duong ham.

Vi du 2: Mat Trang chuyén dong quanh Trai Dt theo quy dao 1a mot dudng elip véi
tam Trai DAt 1a mot tiéu diém. Do dai truc 16n, truc nho cua quy dao lan luot 1a

768 800 km va 767 640 km . Tim khoang cach 16n nhat va bé nhét tir tim cua Tréi
Dat dén Mit Tring



Mat Trang

Loi giai
Ta co

2a =768 800 = a =384400
2b =767 640 = b =383820

¢ =Ja* —b* =[384400° —383820> = 21108,

Khoang cach 16n nhat tir tim ctia Trai Dat dén Mat Trang 1a

a+c=384400+21108 =405 508 (km)

Khoang cach nho nhat tir tim cua Trai DAt dén Mat Trang la

a—c=384400-21108 =363 292 (km)

Vi du 3: Hinh v& bén minh hoa mot phong thi thim(whispering gallery) voi mit cat
ngang 1a mot hinh ban elip vai chiéu cao 24 feet va chiéu rong 80 feet . Mot am thanh
dugc phét ra tir mot tiéu diém cua phong thi thim co thé dugc nghe thay tai tiéu diém
con lai. hoi hai ngudi néi thi thim qua lai v6i nhau thi s& cach trung tim cua phong
bao nhiéu mét? Theo don vi do luong qudc té1 feet=0,3048 m

&0 feet

Loi giai

MEit cit ngang ctia phong thi tham 1a mot hinh ban elip co



2a =80 =>a=40
b=24

c=~Ja® —b* =J40> = 24> =32

Vay néu hai nguoi néi thi thdm qua lai voi nhau thi s& cach trung tAm ctia phong
32 feet=9,7536 m

Vi du 4: Mot mai vom nha hat c6 mit cat 1a hinh ntra elip. Cho biét khoang cach giita hai tiéu
diém la F'F =50m va chiéu dai cua duong di cua mdt tia sang tir F> dén mai vom r6i phan
chiéu vé F 1a 100m. Viét phuwong trinh chinh tic cua elip d6

vA

=y

F 0 F

Hinh 6
Loi giai
Taco: F'F=2c=50=c=25.
Tdong khoang cach F'M + FM =2a=100=> a = 50.

b* =a* —c* =50 -25% =1875.

2 2

T A

2500 1875
Vi du 5: Co6 hai tram phat tin hi¢u vo tuyén dat tai hai vi tri A, B cach nhau 300 km. Tai cung
mot thoi diém, hai tram ciing phat tin hiéu véi van tde 292 000 km/s dé mot tau thuy thu va do
d6 1éch thoi gian. Tin hiéu tir 4 &én sdm hon tin hiéu tir B 1a 0,0005 s. Tt thong tin trén, ta co thé
xéac dinh dugc tau thuy thudc dudng hypebol nao? Viét phuong trinh chinh tic cia hypebol d6
theo don vi kilomét.

Phuong trinh chinh tic cua elip 1a

Loi giai
Ta co:
Do tin hiéu A d&én sém hon tin hiéu tir B nén tau thuy thudc dudng hepebol nhanh A.
Goi vi tri tau thuy la diém M.
2 2
Phuong trinh hyperbol c6 dang: :Z—Z — % =1
|IMA — MB| = 2a = 292000x0,0005 = 146km = a = 73



AB = 300km = 2¢c = ¢ = 150
Tu d6, b? = c? — a? = 17171
PR
732 171712

Vi du 6: Khuc cua ciia mot con duong c¢6 dang hinh parabol, diém dau vao khuc cua 13 A diém
cubi 1a B, khoang cach AB = 400m. Dinh parabol cua khuc cua cach dudng thang AB mot
khoang 20 m va cach déu 4, B .

a).Lap phuong trinh chinh tic cta , v6i 1 don vi do trong mit phang toa d6 twong tmg

1 m trén thuc té.

b). Lap phuong trinh chinh tic cta , véi 1 don vi do trong mit phang toa d6 twong tng

1 km trén thuc té.

2

Vay phuong trinh hyperbo

Loi giai

a) Phuong trinh chinh tic : y? = 2px

Theo dé tacé 4, B, 0

Do diquaAnénsuyra20?2=2p=—-400=>p=-—1
Vay:y? = —2x

b) Phuong trinh chinh tic : y? = 2px

Theo dé tacé 4, B, 0

Do diquaAnénsuyra0,022 =2p =—-0,4=>p=-0,001
Vay :y? = —0,002x

2 2

Vi du 7: Mot thap trién 1dm c6 mit cat hinh hypebol c6 phuong trin 136?_3))? =1.
Cho biét chiéu cao ctia thap 12 100m va khoang cach tir noc thap dén tam déi xtmg cuia
hypebol bang khoang cach tir tim dbi xtmg dén day. Tinh ban kinh ndc va ban kinh
day cua thap.

VA

=y

Loi giai

Do tinh dbi xtig cua hypebol nén ta c6 hai ban kinh ciia néc va day thap déu bang r



2 2 2
Do diém M (;50) nidm trén hypebol nén ta dugc: ;?—% =l=r=18 1+% =31 (m)

Vay ban kinh néc va ban kinh day ctua thép 1a » =31 (m)

Vi du 8: Cong chao ctia mot thanh phé dang hinh parabol ¢ chiéu cao 4 =25m va khoang cach
giita hai chan cong 13 d =120m Hiy viét phuong trinh parabol ctia cong chao.

(TRRRRRRRFRTRANTY

il

Hinh 8

Loi giai

Chon hé truc toa @ nhu hinh vé.

el |

Phuong trinh cta parabol c6 dang y* = 2 px . Liic d6 parabol di qua diém M (25;60).
2
Thay toa do diém M vao phuong trinh parabol ta duoc 60> =2p.25= p = 65% =72.

Vay phuong trinh cua parabol 1a y* =144x .

Vi du 9: Thang leo goi song cho tré¢ em trong cong vién c6 hai khung thép cong hinh nira elip
cao 100cm va khoang cach gitra hai chan la 240 cm
a) Hay chon h¢ truc toa d¢ tich hop va viét phuong trinh chinh tac cla elip trén.
b) Tinh khoang cach thang dimg tir mot diém cach chan khung 20cm 1én dén khung
thép.



Hinh 11

Loi giai

Chon hé¢ truc toa do nhu hinh vé

27100

-120 120

Khi d6 ta co:

2a=240=a=120
b=100

2 2
+y =1.

120°  100°
Thay x=120—-20=100 vao phuong trinh cua elip ta duoc la

100> 2 100°
+ =1=y=100,/1- =55 (cm
120° " 100° YN T e (cm)

Phuong trinh chinh tic cua elip 1a

Vay khoang cach thang dtmg tir mot diém cach chan khung 20cm 1én dén khung thép gan bang

55 (cm)

Vi du 10: M6t thap 1am ngudi ciia mot nha may c6 mit cat 14 hinh hypebol c6 phuong trinh



2 2
X - £ - A , L 1a \ . . N (A oA
XY __1 Biét chidu cao cia thap 1a 120m va khoang céach tir noc thap dén tdm

300 50°
dbi xtmg cua hypebol bang %khoémg cach tir tAm d6i xtng dén day. Tinh ban kinh

noc va ban kinh day cua thap.

Loi giai
v
: M
0 X
120m
XL ——
¥

Goi 7, R 1an luot 1a ban kinh ndc va ban kinh day cua thép.

. .. 1 .
Vi khoang céach tir ndc thap dén tdm doi xirng cuia hypebol bang 5 khoang céch tir tdm doi xting

dén day va chiéu cao cua thap 1a 120m nén khoang cach tir noc dén tdm ddi xting bang 40m va
khoang cach tir day dén tam ddi xung bang 80m

Hypebol di qua hai diém N(r;40) va M (R;—80)

Thé toa d6 hai diém M, N vao phuong trinh hypebol ta dugc

2 2 2
3%—‘5%:1 r:30,/1+%:38(m)
R* 80° 13 302
300 507 R =30 1+W:57(m)

Vi du 7: Guong phan chiéu ciia mot dén pha co mit cat 1a mot parabol (P) véi tim bong dén dat
& tiéu diém F . Chiéu rong giita hai mép guong 1a 50cm, chiéu sdu cua guong 1a 40cm . Viét
phuong trinh chinh tic cta (P)

Loi giai



Phuong trinh cta parabol c6 dang y® = 2 px. Parabol di qua diém M (40;25) nén ta dugc

25 _125
240 16

257 =2p40= p=

. 12
Vay phuong trinh chinh tic cua (P) 1a y* = ?Sx .
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