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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DPE SO 1 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.
¢ Cau 1. Cho A va B 1a hai bién c6 xung khac. Khing dinh nao sau day la sai?
(A) P(AUB) = P(A) + P(B) — P(AB)..
P(AUB P(A)+ P(B)..
(© P(AB) =
D) P(AUB P(A)P(B)..
¢ Cau 2. Cho hinh lap phuong ABCD.A'B'C'D’. Géc gitta AC' va B'D' bang?

@A) 90°.. 30°.. © 60°.. (D) 45°..
¢ Cau 3. An va Binh khong quen biét nhau va hoc 6 hai noi khac nhau. Xac suat dé An va Binh
dat diém giéi vé mon Toan trong ki thi cudi nam tuong tng la 0,92 va 0, 88. Tinh x4c suat dé ca
An va Binh déu dat diém gioi.

@) 0,3597.. 0, 8096.. (© 0,0096.. (D) 0,3649..
> Cau 4. Mot chat diém chuyén dong c6 phuong trinh s = 2t2 4 3t (¢ tinh bang giay, s tinh bing
mét). Van toc clia chat diém tai thoi diém ¢y = 2 (giay) bang

@) 19(m/s).. 9(m/s).. © 11(m/s).. (D) 22(m/s)..

$> Cau 5. V6i moi s6 thic a duong, log; 5 bang

@) 2i5log5a.. logs a — 2.. © logsa+ 1.. (D) logs a + 2..
¢ Cau 6. Cho bat phuong trinh (%)“%2_3“rl > (%)%_1 c6 tap nghiem S = (a;b). Gia tri cia b — a
bang

@) 1.. —2.. © —1.. D) 2.

& Cau 7. Cho a la s6 thue duong. Gia tri rit gon ctia biéu thitc P = ag\/ﬁ bang

® b s @ db. ® ab.
¢ Cau 8. Cho ham s6 y = 2% — 32 + 2 + 1 v6i x € R. Dao ham " ctia ham s6 1a
@A) y" = 5x* — 1223.. y" = 202® — 3622..
© y" =523 — 1222 + 1. D) y" = 20x% — 362°..
¢ Cau 9. Chon khang dinh ding trong céc khang dinh sau:
(A) Trong khong gian hai dudng thang vuong goc c6 thé cit nhau hodc chéo nhau..
Trong khong gian hai mat phéng cling vuoéng goc véi mot duong thing thi song song..
(O Trong khong gian hai duong thang phan biét cting vuong géc véi mot dudsng thang thi song
song..

(D) Trong khong gian hai dudng thang khong c¢6 diém chung thi song song..
¢ Cau 10. Cho hinh chép S.ABCD c6 day la hinh vudng, canh bén SA vuong goc véi day
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(ABCD). Khang dinh nao sau day sai?

(A) BD 1 (SAC).. SA 1 (ABC)..
(© BC L (SAB).. D) CD 1 (SBO)..

¢ Cau 11. Tap xéac dinh clia ham $6 y = logygys = 1a

@) [0; 4+00).. (—00;0).. © (0;+00).. (D) (—o0;+00)..
$> Cau 12. Cho hinh hop chi nhat ABCD.A'B'C'D’ ¢6 AB = AD =5 va AA' = 5v/2. Géc giita
duong thing C A’ va mit phang (ABCD) bang;

A/
D/

2 /-1 D

@) 30°.. 60°.. © 90°.. D) 45°..

Phan II. Cau tric nghiém diang sai Thi sinh trd 10 tic cau 1 dén cau 2. Mdi y a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Mot vat chuyeén dong véi van téc ban dau 1a vy (m/s) sau dé ding lai, phuong trinh
quang duong ctia vat 1a s = f(t) = —t3 + 61> + 15¢, trong d6 ¢ tinh bang giay va s tinh biang mét.

a) Van toc cia chuyén dong tai thoi diém ¢t = 2s la v = 18 m/s.

b) Phuong trinh van toc ctia vat 1a v(t) = —3t? + 12¢ 4+ 15 (tinh theo don vi m/s).

¢) Cho ham s6 f(z) = 2® + 2z, gia tri ctia f/(1) bang 6.

d) Vat dimng lai sau khodng thoi gian ké tit Iic bat dau chuyén dong la t = 4 giay.
& Bai 2. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuong. Mt bén SAB 1a tam gidc déu
va nim trong mit phing vuong géc véi day. Goi H va I lan lugt la trung diém ctia AB va BC.
Khi do:

a) AD 1 (SAB)

b) SA 1L CD

¢) ((SAB),(SAD)) = 90°

d) SH L (ABCD)

Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 4.

& Bai 1. Cho hinh choép ti giac S.ABCD c6 day ABCD la hinh vuong canh bang 6, tam giac
SAB déu va nim trong mat phang vuong goéc véi mit phang day (ABCD). Thé tich ctia khéi chop
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da cho bang bao nhieu? (két qua lam tron dén hang phan chuc).

C

& Bai 2. Bac Nam giti ngan hang 100 triéu dong véi ki han 1 nam, vé6i lai suat khong doi 1a 6%
mot nam. Sau n nam gii thi tong s6 tién bac Nam thu duge (cd von 1an 1ai) cho bdi cong thiic
sau: T = 100(1 + 0,06)" (tricu dong). Héi sau it nhat bao nhiéu nam, tong s6 tién bac Nam thu
dugc 13 khong duéi 150 trieu dong?

& Bai 3. Mot chat diém chuyén dong nhanh dan déu véi quang dudng S(t) = 10t> mét, ¢ 1a thoi
gian chuyén dong ctia chat diém (tinh bang giay). Van tbc tic thoi clia chat diém tai thoi diem

t = 2 giay 1a bao nhiéu m/s?

& Bai 4. Cho tit dién déu ABCD c6 canh bang 12. Goi O la trong tam tam giac BC'D. Khoang
cach tit O dén mat phang (ACD) bang bao nhieu? (két qua lam tron dén hang phan tram).

Phan IV. Ty luan Thi sinh trd l5i ti caw 1 dén cau 8. Thi sinh trinh bay loi gidi chi tiét
& Bai 1. Giai bat phuong trinh e®” =273 > 1.
rz—1

& Bai 2. Cho ham s6 f(z) = .
x

a) Tinh dao ham ctia ham s6 da cho.
b) Viét phuong trinh tiép tuyén ctia do thi ham s6 da cho tai diém c6 hoanh do = = 0.
& Bai 3. Cho hinh chép S.ABCD c6 ddy ABCD la hinh cht nhat va SA L (ABCD,).
Chiing minh rang BC' L (SAB).

a)
b) Cho SA = AB = a, AD = aV/3. Goi ¢ la s6 do géc phing ciia nhi dien [B, SC, D]. Tinh
cos .
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 2 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

7
$ Cau 1. Cho 2,y € R,0 < z,y # 1. Biét Vo' + L = o™ 4 y». Tinh mn.
Yy

7 1 4 2
¢ Cau 2. Cho hinh chép S.ABCD c6 day 1a hinh thoi tam P. Biét SC = SA, SD = SB. Chon
khéng dinh sai trong céc khang dinh sau?
A) DB L SC. B) SP L DA. (© DB L SB. (D) DB 1 SA.

$® Cau 3. Cho hinh chop S.ABC c¢6 SA vuong goc véi day, AABC vuong tai B. Goi M la trung
diém BC, K € SB sao cho AK 1 SB. Chon khang dinh sai?

@A) (SAM) L (ABO). (SAM) L (SAC).
© (SAC) L (ABC). D) (SBC) L (SAB).

$> Cau 4. Biéu thiic A = log, z xac dinh khi va chi khi z thudc tap nao sau day?
®R 0;-+00). © (0;+00). ® R\ {0}.

$> Cau 5. Mot nhom c6 12 nam va 10 nit. Chon dong thai 5 ban. Goi A: "5 ban Nam", B: "5 ban
ni". Tinh P(AU B).
61 58 3 60
163" ® 163 7 1463
¢ Cau 6. Cho chép S.ABCD day hen, SC L day. CD = 4,CB = 6,SB = 34/5. Tinh
d(B,(SCD)).

@) 8. 6. © 9. D) 4.
¢ Cau 7. Tim tap xac dinh 7' ctia ham s6 y = log;(—4x + 3).

@ T = (—00;3). ® T =R\ {3}

© T = (—00;0). O T =R\ {0}.
$» Cau 8. Goi a la nghiem log,[logy(x — 1) + 15] = 2. Tinh @® + a* + 2.

@A) 253. 255. (©) 254. (D) 257.
¢ Cau 9. Cho hinh ling tru diing ABC.M N P. Chon khang dinh ding?

@A) AB L (BCPN). CB L (ABNM).

© PC L (MNP). ®) BM L (MNP).

¢ Cau 10. Trong khong gian, hai dudng thing vuong géc néu goc giita chiing bang:

(A) 180°. 90°. © 0°. (D) 45°.

¢ Cau 11. Hai xa tht ban véi xac suat 0,6 va 0,5. Tinh x4c suat ca hai cing truct?
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| —
©
S

1 4
or — 3
—x —4
22 —23

r_ — I
@y (—z—4)2 ©Y =
—90 —25
’_ r_ )
©y_(—x—4)2' ©y (—z — 4)?
Phan II. Cau tric nghiém diang sai Thi sinh trd l0i to cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai

& Bai 1. Cho hinh chép S.ABC c¢6 day ABC la tam giac déu canh a. Biét SA = av/2 vad SA
vuong goc véi mat day. Goi M la trung diém ctia BC' va H 13 hinh chiéu vuong géc ctia A len SM.

$> Cau 12. Tinh dao ham clia ham s6 y =

a) Dudng thing AH vudng goéc v6i mit phang (SBC).

b) Dudng thang SH 1a hinh chiéu ctia duong thang SA lén mit phing (SBC).

6
c¢) Do dai doan thing AH bing %

V11

d) Cosin goc tao bdi duong thang SA va mat phang (SBC) bing 33

& Bai 2. Xét tinh Dung — Sai ctia cac cong thic dao ham sau:
a) Vé6i k 1a hang sb, (k) = 0.

b) (VE) = % véiz > 0.

¢) V6i u,v 1a cadc ham s6, (uv) = u'v'.

d) (cos(2x)) = —2sin(2x).

Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 4.
& Bai 1. Cho hinh chép S. ABC’ CO day 1a tam giac déu canh a,SA L (ABC) va SC = 2a. Biét
thé tich khéi chop S.ABC bang —,m € N. Tim m?

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vuong canh a, SA = av/3,SA L (ABCD).
Tinh géc giita dusng thang SD va mat phiang (ABCD) la a°. Tim a?

. 1 . . .
& Bai 3. Cho ham s6 y = gx?’ —22% + 32 — 1. Khi d6 phu’dng trinh tiep tuyén c6 hé so géc nho

m
nhat ctia do thi ham s6 trén c6 dang y = —a —|— — v6i — la phan s6 toi gian, m € N. Tinh m +n?
n

& Bai 4. Trong phong hoc ctia Phuong c6 hai bong den va x4c suat hong ctia ching lan lugt bang
0,2;0,3. Xac suat dé Phuong c6 thé lam bai tap 1a % v6i % 14 phan s6 to6i gidn va @ € N. Tinh
a+b?

Phan IV. Ty luan Thi sinh trd 1oi ti cau 1 dén cau 3. Thi sinh trinh bay 0i gidi chi tiét
& Bai 1. Giai bat phuong trinh 2log,(4z — 3) + log1 (22 +3) < 2.

& Bai 2. Cho hinh vuong ABCD. Goi H, K lan lugt la trung diém ctia AB, AD. Trén dudng
thang vuong goc v6i (ABC D) tai H, lay diéem S. Chting minh rang: CK 1 (SDH).
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. 2 1 N . . . £ L.z
& Bai 3. Cho ham s6 y = ° +2 c6 do thi (C). Viet phuong trinh tiép tuyén cia (C) biét tiép
T

tuyén song song v6i duong thang d : y = 3z + 2.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 3 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.
¢ Cau 1. Gieo mot dong tien can doéi va dong chat ba lan. Xac suat dé ca ba lan xudt hien mit
sap 1a?

1 1 1 1

@3 ® 3 i Ot
$> Cau 2. Cho a la s6 thyc duong khac 1. Ménh dé nao duéi day 14 diang véi moi s6 thyc duong
x,y.

Zz loga xZ
@ log, — y " oz, y log,, " = log,(z — y).
© 10ga — =log, = +log, y. (D) log, - log, x —log, vy
y Y

$> Cau 3. Trong cac ménh dé sau, ménh dé ndo sau day la dang?

@ Hai mit phang phan biét cting vudng géc véi mot mat phang thi song song véi nhau..

Hai mat phang phan biét ciing vuong géc véi mot mit phang thi vuong géc véi nhau..

(©) Hai mat phang vuong goc véi nhau thi moi dudsng thang nim trong mat phang nay sé vuong
goc v6i mat phang kia..

(D) Cho hai mat phang vuong géc véi nhau. Néu mot dusng thang nim trong mit phang nay va
vuong géc véi giao tuyén ciia hai mat phing do thi né sé vuong géc véi mit phang kia..

¢ Cau 4. Phuong trinh tiép tuyén ctia do thi ham s6 y = 2% tai diém c6 tung do bing 8 1a

@A) y=—12z + 16. ®) y=8.

© y =12z — 16. ©) y = 12z — 24.
¢S Cau 5. Tinh dao ham cta ham séy:%.

$> Cau 6. Ham s6 y = 2° ¢6 dao ham 13

@) v =2t y' = bad. © y = 4a5. D) y' = bat.
$> Cau 7. Cho hinh chép S.ABCD c6 tat ca cac canh bén va canh diy bang nhau va ABCD la
hinh vuéng tam O. Khing dinh nao sau day ding?

A) AB 1 (SBC). SO 1 (ABCD).

© AC L (SBC). (D) SA L (ABCD).

¢ Cau 8. He s6 goc k cla tiép tuyén ciia do thi ham s6 y = 22 — 4 tai diém z 1a

@) k=22 B k = 2x. © k= —2x. D k=-1.

» Sww lary va Bién soan: Lé P&f/z/( K/{(z - 0399653362



¢S Cau 9. Nghiém ctia phuong trinh logs x = 4 1a
@A) = = 81. ® z=T. © z=12. (D) = = 64.

o 1 y
6 Cau 10. Cho A, B la bai bidn b. Biét P(4) = 3, P(B) = g P(ANB) = % Bién 6 AU B la

bién ¢b
(A) C6 x4c suit bang i Ch&c chan.
(©) Khong thé. (D) C6 xAc suit bang %
¢ Cau 11. Cho hai bién ¢6 A va B. Bién ¢6 "Ca A va B déu xay ra" duge goi 1a
(A) Bién cb giao ctia A va B. Bién ¢6 doi cia B.
(©) Bién cb dbi cia A. (D) Bién ¢6 hop ctia A va B.

$> Cau 12. C6 hai hop chita cac vién bi. Hop thit nhat chita 4 bi xanh, 3 bi d6. Hop thit hai chita
5 bi xanh, 2 bi d6. Goi bién c6 A 1 "Ban An lay mot vién bi xanh tit hop 1", bién ¢6 B 1a "ban
Binh lay mot vién bi xanh tit hop 2". Tinh P(A N B).

20 9 4 5

4_9. @ ﬁ. @ ?. @ ?.

Phan II. Cau tric nghiém dang sai  Thi sinh trd l0i to cau 1 dén cau 2. Méi i a) b) ¢) d)

thi sinh chon ding hodc sai
& Bai 1. C6 hai hop cuing chita cac qua cau. Hop thit nhat c6 5 qua cau do, 7 qua cau xanh. Hop
thit 2 c6 4 qué cau dd, 6 qua cau xanh. Tt moéi hop 1ay ra ngau nhién 1 qua cau.

Z )4 N z Z 5
a) Xac suat dé qua cau lay ra tit hop tht nhat c¢6 mau do 1la —.

12
_ Z 2 . 2 X L N N 2 N 2
b) Xéac suat dé hai qua cau lay ra cing mau do la £
13
c) Xac suat dé 2 qua cau lay ra cé it nhat 1 qua mau do la 20"

31
d) Xac suat dé 2 qua cau lay ra cting mau la 50"

& Bai 2. Cho ham s6 y = —2® + 322 + 1 ¢6 do thi la (O).

a) y = —32? + 6.

b) Hé s6 goc clia tiép tuyén ctia (C) tai diem M(1;3) bang —3.
c) y' =6z + 6.

d) Phuong trinh tiép tuyén ctia (C) tai Mo(wo; o) véi 0 < 2o < 2 1a giao diém (C) véi dusng
thing d : y = 2 + 1 ¢6 dang y = ax + b. Khi d6 20a + b = 60.

Phan III. Cau tra 18i ngan Thi sinh trd loi ti cau 1 dén cau 4.
3
& Bai 1. Cho ham s6 y = “% + 222 — 32+ 5, biét ¢ = az? + bx + . Tinh 2a + 3b + 100c.

& Bai 2. Mot qua bong duge tha roi tu do tit dai quan sat trén san thugng ctia toa nha cao 313,6
m xudng mit dat, véi phuong trinh chuyén dong s(t) = 4,9t2. Tinh van tdc clia qua béng khi n6
cham dat, bo qua stic can khong khi. (Don vi m/s).

& Bai 3. Mot nhém hoc sinh gom 7 nam va 6 nit. Chon ra ngau nhién 5 ban. Tinh xac suat dé 5
ban dugc chon ¢6 cd nam va nit trong d6 nam it hon nit. (Két qua lam tron dén hang phan tram).
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& Bai 4. Tim s6 nghiém nguyén ctia bat phuong trinh log;(z — 1) < 8.
Phan IV. Ty luan Thi sinh trd 1oi te caw 1 dén cau 3. Thi sinh trinh bay 0i gidi chi tiét
& Bai 1. a) Tinh dao ham ctia ham s6 y = z* + 22° — /z — 2025.

b) Cho ham s6 y = x
diém M(1; —3).
& Bai 2. Mot cuoc thi khoa hoc c6 36 bo cau héi, trong d6 c6 20 bo cau hoéi vé chit dé ty nhién
va 16 bo cau hoi ve chi dé xa hoi. Ban An lay ngau nhién 1 bo cau héi (1ay khong hoan lai), sau
d6 ban Binh lay ngdu nhién 1 bo cau héi. Tinh x4c suat dé ban Binh lay dudc bo cau héi vé chi

dé tu nhien.

& Bai 3. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh 2a, canh bén S A vudng goc
v6i miit phing (ABCD) va SA = av/2. Goi M 1a trung diém ctia canh BC.

+ 2 N . .z < P Z 2 N . . . Z
5 c6 do thi (C'). Viét phuong trinh tiép tuyén ctia do thi (C) tai tiep

(1) Chitng minh: (SAB) L (SBC).
@ Tinh khoang cach giita hai dudng thang SB va DM.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 4 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢S Cau 1. Véi a 1a s6 thuc duong tuy ¥, a* - az bang
@) as. a’. © az. D) a®.

$> Cau 2. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vuéng tam O, SA L (ABCD). Géc
nhi dién [A; BD; S| la goc

® 507, SBA © 5CA. ©) 5DA
$> Cau 3. Cho hinh chép S.ABCD c6 day ABCD la hinh thoi, SA L (ABCD). Mat phang nao
sau day vuong goc véi mat phang (SAC)?

@A) (SAB). (SBD). © (SAD). D) (SBC).

$> Cau 4. Cho hinh chép S.ABC ¢6 SA L (ABC). Géc gifta duong thang SC va mat phang
(ABC) la gbc nao sau day?

@) SCA. SAC. © BCA. ®) CSA.
¢ Cau 5. Cho log, b = 2;log, c = 3. Tinh Q = log,(b3c).

@ Q=4 ® Q=9. © Q = 10. ® Q =12.
¢ Cau 6. Tap xac dinh clia ham s6 y = log; = 1a

@ [5;+00). [0; +00). © (55 +00). ® (0;400).

$® Cau 7. Cho hinh lap phuong ABCD.A'B'C'D’. Doan vudng géc chung clia hai dusng thing
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AA va B'C' 1a

Alb------ =)D

B' ¥ c’

® CD. A'B © AD. ® AB.
¢ Cau 8. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuong tam O, SA 1 (ABCD). Hinh
chiéu ctia D lén mit phang (SAC) la diém nao sau day?

@) C. A. © S. D) O.
$¢> Cau 9. Tim dao ham clia ham s6 y = z7.
@) y = 7a5. y' = 62", © o = ab. D y = 125

$> Cau 10. Cho hinh chép S.ABC c6 diy ABC la tam giac vuong tai B, SA 1 (ABC). Khing
dinh nao sau day sai?

@A) (SAB) L (ABC). (SAC) L (ABC).

© (SBC) L (ABC). D) (SBC) L (SAB).
> Cau 11. Cho hinh lap phuong ABCD.A'B'C'D’. Dudng thang nao sau day vuong goc vdi
duong thang A'C’'?

A/ B/
D’ 3 c
Abonomo -JB
D¥ c
@ A'D. AC. © BD. ©) CD.
¢ Cau 12. Nghiém ctia phuong trinh 2271 = 8 1a
@A) x =3. B r =4. © x=1. D) x =2.

Phan II. Cau tric nghiém diang sai Thi sinh trd 10i ti cau 1 dén cau 2. Méi i a) b) ¢) d)
thi sinh chon ding hodc sai

& Bai 1. Cho ham s6 f(z) = 2® — 2z ¢6 do thi (C).
a) He s6 goc clia tiép tuyén véi (C) tai diem c6 hoanh do xg 1a k = f'(z0).
b) f'(z) = 3z* —2.
c) f'(2) = 14.
d) Phuong trinh tiép tuyén ctia (C) tai diem M(2;4) 1a y = 10x + 16.

f/
f/
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& Bai 2. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chi nhat ¢6 canh AB = a, AD = 3a,
biét SA L (ABCD) va SA = 4a. Luc do6:

a) (SC,(ABCD)) = SCA.

b) (SAC) L (SBD).

(SAB) L (SBC).

C

)
)
)
d) Vs.apep = 4a®.

Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 4.
& Bai 1. Cho hinh chép S.ABC c6 ddy ABC' la tam giac déu c¢6 canh a, SA L (ABC) va SA = 3a.
Goi a la goc giita duong thang SC va mit phang (ABC). Tinh tan a.
& Bai 2. Cho ham s6 f(x) = 222 ¢6 d6 thi (C). Tinh he s6 goc clia tiép tuyén véi (C) tai diem
¢6 hoanh do xo = —2.
& Bai 3. Cho hinh chép S.ABC' ¢6 day ABC' 1a tam giac vuong tai B, SA 1L (ABC), AB =4, va
SA = 5. Tinh khoang cach tit diem A dén mit phang (SBC). (Lam tron két qua dén hang phan
tram).
& Bai 4. Mot khéi gb dang hinh chop tit giac déu S.ABCD c6 canh day 6cm, canh bén tao véi
mit day mot goc a véi tan o = /2. Ngudi tho cit khéi chop béi mot mit phang song song véi day
va qua trung diém mot canh bén dé duge mot hinh chop S.A’B'C'D’ va mot hinh chop cut déu
ABCD.A'B'C'D'. Goi V; 1a thé tich ctia khéi chép S.A’B'C'D’ va Vy 1a thé tich khdi chép cut déu

ABCD.A'B'C'D'. Biét % - % véi a,b € Z va % la phan s6 t6i gian. Tih T = 2a + 3b.
2

Phan IV. Ty luan Thi sinh trd i tic cau 1 dén cau 3. Thi sinh trinh bay 100 gidi chi tiét

& Bai 1. Mot chat diém chuyén dong theo phuong trinh s(t) = 3 — 42 + 6t + 1 trong d6 ¢t > 0
v6i t tinh bang giay (s), s(¢) tinh bang mét (m). Tim gia toc tiic thai clia chat diém tai thai diém
t=2(s).

& Bai 2. Cho hinh lang tru ding ABC.A'B'C" ¢6 AB = 13, AC = 14, BC' = 15. Goi H 1a hinh
chiéu vuong goc ctia A len BC.

a) Ching minh (A’AH) L (BCC'B’).

b) Tinh khodng cach giita hai duong thing AA’ va BC.

& Bai 3. Cho ham s6 y = f(z) ¢6 dao ham trén R va f'(5) = 3. Tinh dao ham ctia ham s6
g(z) = f(32% + 2) tai diém x = 1.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 5 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat va SA L (ABCD). Mt
phang (SBC) vudng géc véi mit phang nao sau day?
S

) (ABCD). (SBD). © (SAC). (D) (SAB).
$> Cau 2. Trong mot cudc thi ban sing, xac suat ban tring muc tiéu trong moi lugt ban ctia An
va Binh lan lugt 1a 0,6 va 0, 3. Gid st viec ban tring muc tiéu ctia An va Binh 13 hoan toan doc
lap, tinh x4c suat dé cd An va Binh ciing ban trang muc tiéu trong 1 lugt ban.

@) 0,9. 0,5. © 0,2. (D) 0,18.
$> Cau 3. Ham s6 nao trong cic ham s sau day la ham sé mii?
3
®y=- ® y=3" © y =4 © y = 3.

$© Cau 4. Cho hinh lang tru tam giac ABC.A'B'C" ¢6 (ABB'A’) vuong goc véi hai mat day. Hinh
chiéu ctia A’B’ len (ABC) la dudng thang nao sau day?

@) BC. AB. © A'B. ©) AC.

¢ Cau 5. Cho hai bién ¢6 A, B biét P(A) = i,P(B) = é,P(AB) = é Tinh P(AU B).
@P(AUB)—3 ®) P(AUB) = 13
T 2%
@P(AUB):E. (D) P(AUB) = 5

$> Cau 6. Tt mot hop gom 13 qua cau, trong dé c6 8 qua mau trang va 5 qua mau den. Lay ngau
nhién dong thoi 2 qua cau tit hop. Tinh xac suat 1ay duge 2 qua cau ciing mau.

3 20 19 70
13° ® 35 39° 1521°
¢S Cau 7. Néu cap bién ¢6 A va B doc lap thi
(A) P(AB) = P(A) + P(B). P(AB) = P(A) — P(B).
© P(AB) = P(A).P(B). ®) P(A 7A P(A).P(B).
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$® Cau 8. Cho ham s6 y = f(z) xac dinh trén R va lim fz) = 10)

x—0 €T

@ o. ®) 3. © 1. ©) 2.

¢ Cau 9. Cho A va B 1a hai bién c6. Bién co: "A hosic B xay ra" 1a bién c6 nao sau day?

(A) AU B. B) AB. © AB. D) AUB.
$> Cau 10. Cho ham s6 y = f(z) c6 dd thi (C). Phuong trinh tiép tuyén ctia (C) tai diém c6
hoanh do = = g c¢6 heé s6 goc k bang

@A) k= —x. k= f(xo). © k = x. D) k = f(xo).
¢ Cau 11. Cho hinh hop chit nhat ABCD.A,B,C;D;. Cap dudng thang nao sau day vuong goc

v6l nhau?

= 3. Gia tri ctia f(0) bang

A1 Dl
B o
A
’ D
B c
@ CD va BlDl- AB va AlC'l.
@ AD va AlBl- @ AC va AlCl.

$> Cau 12. Logarit co s6 5 ctia 9 duge ki hieu 1a

5 9
@) logg 5. log: 9. © log(g). (D) 1og(g).
Phan II. Cau trac nghiém diang sai Thi sinh trd [0 tic cau 1 dén cau 2. Mdi 4 a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Cho hinh chép tam giac déu S.ABC va G la trong tam tam giac ABC.
S,

a) SG vuong géc véi mat phang (ABC).
b) Goc gitta SA va (ABC) béing SAB.
c) SMA 1a mot gbc phiang ctia goc nhi dien [S, BC, A], trong d6 M la trung diém BC.
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d) Khoang cach tit S dén mit phang (ABC) bang do dai doan thang SG.
& Bai 2. Mot vat chuyén dong xac dinh bdi phuong trinh s(t) = —t2 + 6t + 9, trong d6 ¢ tinh
bang gidy va s tinh bang mét.

a) Van toc titc thai clia vat tai thoi diém ¢ > 0 1a: v(t) = §'(t) m/s.

b) Van tdc tiic thoi ciia vat tai thoi diém ¢ > 0 bang: v(t) = —2t + 9 m/s.

c¢) Van toc tiic thoi clia vat tai thoi diém t = 2 giay bang 5 m/s.

d) Vat ding lai sau khi di duge 3 giay.

Phan II. Cau tric nghiém diang sai Thi sinh trd 10 tic cau 1 dén cau 2. Méi  a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Cong thiic h = —19,4 - log P% la m6 hinh don gian cho phép tinh do cao h so v4i mat
nude bién cia mot vi trf trong khong trung (tinh bang kilomét) theo ap suat khong khi P tai diém
do va ap suat P, ctia khong khi tai mat nude bién (ciing tinh bing Pa - don vi ap suat, doc 1
Pascal). Ap sudt khong khi tai dinh ciia ngon nii A bing 2 lan &p sudt khong khi tai dinh ctia
ngon nti B. Do chénh léch do cao gitta hai ngon nui 1a bao nhiéu kilomét? (Lam tron két qua dén
hang phan muoi.)

& Bai 2. Cho hinh chép S.ABC' ¢6 day la tam gidc vuong tai B, canh bén S A vuong goc v6i mat
phang (ABC), SA = AB = a, BC = av/2. Goi « 1a géc gitta canh SB va mit phing (SAC). Tinh
sina? (Lam tron két qua dén hang phan tram)

& Bai 3. Cho ham s6 y = sin2x — v/4x + 5. Biét 3/ = a - cos 2z + \/ﬁ véi a, b 14 cac s6 nguyen.
Tinh a® + b.

& Bai 4. Cho hinh chép tam gidc S.ABC c6 day ABC la tam gidc déu canh 2 cm, canh bén SA
vuong goc day va SA = 44/3 cm. Tinh thé tich V ctia khéi chép S.ABC.

Phan IV. Ty luan Thi sinh trd i ti cau 1 dén cau 3. Thi sinh trinh bay loi gidi chi tiét
& Bai 1. Giai cac phuong trinh va bat phuong trinh sau:

a) log(3z — 2) = 2.

b) 212—;1:4-8 < 41—31'

c) log z(z — 2) + logg 5(x +28) = 0.

w1
& Bai 2. Chohamséy:5+3 c6 dd thi 1 (C).

a) Ching minh 3’ > 0 v6i moi © # —3.

b) Viét phuong trinh tiép tuyén véi do thi (C) biét tiép tuyén d6 song song véi dudng thing
d:y="Tr+9.

& Bai 3. Cho hinh chép tit gide déu S.ABCD c6 tat ca cac canh bing a. Goi M la trung diém
cua CD.

a) Ching minh SM 1 AB.
b) Tinh thé tich khéi chép S.ABCD.
¢) Tinh khodng cich tit A dén mat phang (SBD).

<& Bai 4. Hai mai nha Ia hai hinh chi nhat. Gia st AB = 5,2m; OA = 2,8m; OB = 3,2m. Tinh
s6 do ctia géc nhi dién tao béi hai nita mit phing tuong ting chita hai mai nha.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 6 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Cho hinh chép S.ABCD cé day la hinh vuéng tam O, SO L (ABCD). Khang dinh
nao sau day SAI?

@) SA L AB. ®) AC L BD. © SO L AD. ®) CD L BC.

$> Cau 2. Cho hinh lap phuong ABCD.A’B'C'D’. Mat phing (ABCD) khéng vuong goc véi
mat phang nao dudi day?

A’ D
B [
A/L ——————————— D
B ; C
@) (A'B'C'D"). (ABB'A). © (ADD'A"). (D) (CBB'CY).
¢ Cau 3. Tap nghiém ctia bat phuong trinh log, z < 1 la:
@ (0;2]. [0;2). © (—00;0]. @ (0;+00).
$® Cau 4. Phuong trinh nao sau day la phuong trinh ma?
@) In(zx — 1) = 2. ®) 22 = 3.
© 2% = 3. (D) logy(z — 1) = 2.
¢ Cau 5. Chon khang dinh ding:
@) (a*) = a®*Ina. (a*) = Ina.
© (a®) = zlna. D) (a*) =Inx.
¢ Cau 6. Chon khang dinh ding trong céc khing dinh duéi day:
@) (sinx)' = —cosz. (tanz)’ = — .
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© (cota) = . (D) (cosz) = —sin .
¢ Cau 7. Chon khang dinh SAI trong cac khang dinh duéi day:

(A) Hinh lang tru ditng c6 hai ddy 1a hai da giac bang nhau..

Hinh lang tru ding c¢6 cdc mat bén la hinh binh hanh..

(©) Hinh lang tru ding cé cac mit bén vuong goc véi day..

(D) Hinh lang tru ditng c6 cac canh bén vuong goc véi ddy..

$> Cau 8. Tap nghiém ctia bat phuong trinh 3% < 81 la:

@ (—44). (—o0;4). © (4;+00). © (0:4).
$& Cau 9. Nghiém ctua phuong trinh 3% = 27 la:

@A) z=4. ® = =3. © z=2. D z=1.
$> Cau 10. Cho ham s6 f = f(z) va g = g() c6 dao ham tai diém z. Khang dinh nio sau day la
sai?

@ (f-9)'=[1-4d. (f9) =19

© (f+9)=f+g. © (§) =Forl.
$> Cau 11. Dao ham clia ham 6 y = £ trén cac khoang xac dinh la:

@y =z ® y=—:% ©y=-3 @y =
¢ Cau 12. Chon khang dinh SAI trong cac khang dinh dudi day:

@) (nz) =-1. (logy 7)' = 5.

@ (logs x)" = #115 @ (loggx)" = :p1113'

Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méiyj a) b) c) d)
thi sinh chon ding hodc sai

& Bai 1. Mot chat diém chuyén dong theo phuong trinh s(t) = 2 — 3t + 3t — 1 trong d6 ¢t > 0, ¢
tinh bang giay va s(¢) tinh bing mét. Xét tinh ding sai cia cac khang dinh sau:
a) Phuong trinh gia tdc tic thoi clia chat diém tai thoi diém t giay c6 dang a(t) = 6t + 6.
b) Phuong trinh van toc titc thai clia chat diém tai thoi diém ¢ giay c6 dang v(t) = 3t* — 6t + 3.
¢) Gia tdc tai thoi diém van tbc tic thoi bing 3 (m/s) 1a 6 (m/s”).
d) Quang dudng chat diém di dugc khi van toc tiic thoi ctia chat diém bing 3 (m/s) bing 1 (m).
& Bai 2. Cho ham s6 y = f(z) = 2% + 22 — 6. Xét tinh ding sai clia cac khang dinh sau:
a) Phuong trinh tiép tuyén ctia do thi ham s6 y = f(x) tai diem M (zo; f(z0)) c6 dang la:
y = f"(xo)(x + x0) — f (o).
b) f'(=3) =8.
c) fl(z) =2x+2.
d) Phuong trinh y = 4z — 7 14 phuong trinh tiép tuyén ctia do thi ham s6 y = 2% + 2z — 6 tai
diém c6 hoanh do bing 1.
Phan IV. Tu luan Thi sinh tra loi to cau 1 dén cau 4. Thi sinh trinh bay 100 gidi chi tiét
& Bai 1. Giai cac phuong trinh va bat phuong trinh sau:
a) 79H > 49%H
b) logy(22? — 3) = 2
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& Bai 2. Tinh dao ham ctia cadc ham sb sau:

) _3x+1
y_Qx—él

b) y = sin(5 — z?)

& Bai 3. Cho hinh chép S.ABCD c6 ddy ABC'D la hinh vuong canh a va SA L (ABCD).
a) Chung minh: (SAC) L (SBD).
b) Tinh s6 do ctia goc nhi dieén sau: [C, SA, D].
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 7 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Néu log; a = 2 thi logs a® bing

@ 6. 9. © 8. ®) g
¢ Cau 2. Cho mau sb lieu ghép nhém veé chiéu cao clia 25 cay dita giong nhu sau:
Chiéu cao (cm) | [0;10) | [10;20) | [20;30) | [30;40) | [40;50)
S6 cay 4 6 7 5 3

Trung vi ctia mau so lieu ghép nhém nay 1a
175 165 165 165
@ M M @ Me == T @ M 5
$® Cau 3. Tim hléu thoi gian xem ti vi trong tuan trude clia mot s6 hoc sinh thu duge két qua
sau:

Thai gian (gio) | [0;5) | [5;10) | [10;15) | [15;20) | [20;25)
S6 hoc sinh 8 16 4 2 2

Thai gian xem ti vi trung binh trong tuan trudc clia cic ban hoc sinh nay bang

(A) 8,4375.. 8,28125.. ©) 8,125.. D) 8,75..
¢ Cau 4. Dao ham clia ham s6 y = €2* 1a

@A) y =e* 1. y = 2e%.. © y =e>.. D) y' = 2¢”..
$® Cau 5. Cho A, B 1a hai bién ¢ doc lap. Khing dinh nio sau day sai?

(A) A, B 1a hai bién c6 doc 1ap..

Viéc xay ra ciia A 4nh hudng dén x4c suat xay ra clia B..

@ A, B 1a hai bién ¢b doc lap..

@ A, B 1a hai bién ¢6 doc lap..
¢S Cau 6. Cho hinh chép S.ABC, ¢6 déy la tam giac vuong tai A, SA L (ABC)

(tham khao hinh vé bén). Khang dinh nao sau day ding? S
(A) BC 1L (SAQ).. AB 1 (SBC)..
(© AB 1 (SAC).. (D) BC 1L (SAB)..
A S

B

¢ Cau 7. Cho khoi lang tru c6 dien tich day S = 20 va chiéu cao h = 9. Thé tich ctia khéi lang
tru da cho bang
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@) 60.. 90.. © 240.. (D) 180..

¢S Cau 8. Gieo ngiu nhién mot con xtc xac hai 1an. Goi A: "S6 cham hai lan gieo giéong nhau",
B: "C6 it nhat mot lan xuat hien mat 6 cham". S6 phan ti ctia bién ¢6 C = AU B la

@) 18.. 17.. © 16.. D 1..

$> Cau 9. Trong khong gian cho cac dudng thang a,b va mit phang (P). Ménh dé nao sau day
diang?
(A) Néu a//(P) vab//a thib//(P)..
Néu a L hai duong thang trong (P) thi a L (P)..
(© Néua//(P)vab Lathib L (P).
(D) Néua//(P)vab L (P)thib L a.
¢ Cau 10. Cho hinh chép S.ABCD c6 déy 1a hinh vuong canh v/3a, SA vuong
goc v6i mat phing day va SA = v/2a. Géc gita SC va mit phing
(ABCD) bang
(A) 45°.. 90°.. ©) 30°.. (D) 60°..

¢S Cau 11. Cho mau s6 lieu ghép nhém vé can ning clia 28 hoc sinh nam 16p 11 nhu sau:
Can nang (kg) | [45;49) | [49;53) | [53;57) | [57;61) | [61;65)
S6 sinh vién 4 5 7 7 5
Gia tri dai dién ctia nhom [49; 53) bang

@) 53.. 52.. © 51.. ©) 49..

4> Cau 12. V6i a la s6 thuc duong tiy §, a%% bing

@A) a=20%. 20%a.. ©) Va20% .. (D) av20%..
Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méij a) b) c) d)
thi sinh chon dung hodc sai

& Bai 1. Cho hinh chép S.ABCD c6 diy ABCD la hinh vudéng canh a, SA vuong géc véi mat
phéng day va SA = a. Xét tinh ding sai clia cac khing dinh sau:

S
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a) BC' 1 (SAB).
b) Thé tich ctia khéi chép S.ABCD bing a®.
¢) Khoang cach tit S dén mit phang (ABC D) bing a.
d) S6 do ctia goc nhi dien [S, BC, D] bang 45°.
& Bai 2. Mot hop dung 25 tam thé duge danh s6 tir 1 dén 25. Lay ngau nhién mot tam thé tu

hop, goi A 1a bién c6 "S6 ghi trén thé chia hét cho 3", B 14 bién c¢6 "S6 ghi trén thé chia hét cho
10". Xét tinh ding sai clia cac khang dinh sau:

)()—
b) P(B) =
)
d)

a

c) Ava B Xung khac.

P(AUB) =
Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 4.

& Bai 1. Nguoi ta xay dung mot chan thap bang beé tong c6 dang khdi chép cut ti giac deu.
Canh day duéi dai 5 m, canh diy trén dai 2 m, canh bén dai 3 m. Biét ring chan thap dugc lam
bang bé tong tuci véi gid tien 1a 1500000 dong/m?. Tinh s tién t6i thicu dé mua bé tong tuoi
lam chan thap theo don vi trieu dong (két qua viét dusi dang s6 thap phan va lam tron dén hang
phan chuc).

& Bai 2. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang 1. Khoang cach gitta hai duong
thang AB va A'C’' bang bao nhieu?

A I3y
:
B’ i o
|
A D
B C
& Bai 3. Tiép tuyén clia do thi ham s6 y = 22 tai diém c6 hoanh do zy = —2 ¢6 phuong trinh

dang y = ax + b. Gi4 tri biéu thic T = 2a — b bang bao nhiéu?

& Bai 4. Biét phuong trinh Jeitet2 — 32%1 c6 hai nghiém phan biét z1,z,. Gia tri biéu thic
T = 22 + 22 bang bao nhieu?

Phan IV. Ty luan Thi sinh trd l5i ti cau 1 dén cau 8. Thi sinh trinh bay l0i gidi chi tiét
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& Bai 1. Néu mot khodn tien goc P duge glii ngan hang véi 1ai suat hing nam r%, duge tinh 1ai
n lan trong mot nam, thi tong sb tien A nhan dude sau N ki giii dugce cho béi cong thic:

A=pr(14 1\
= <+100n>

Héi néu bac Duong giti tiét kiem 100 triéu dong theo ki han 6 thang véi lai suat khong doi 1a 5%
mot nam, thi sau bao nhiéu nam s6 tien bac Duong thu vé sé 16n hon 180 triéu?

& Bai 2. Mot chat diém chuyén dong xac dinh bdi phuong trinh S(t) = % - % +3t? — 2t + 1,
trong d6 ¢ tinh bang giay va S(¢) tinh bing mét. Tim gia toc titc thoi nhé nhat ctia chat diém

trong chuyén dong.
& Bai 3. Cho hinh choép tit gide déu S.ABCD c6 day ABCD 1a hinh vuong tam O, AB = 2a,

SO = av/2. a) Tinh thé tich khdi chép S.ABCD. b) Tinh khoéng céch tir diém A dén mat phéng
(SCD).
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 8 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Biéu thiic x - ¢/z véi > 0 viét dusi dang luy thita v6i s6 mil hitu ty la

@) zs. 5, © 5. D) 5.
$> Cau 2. Cho A, B la hai bién ¢6 doc lap théa man P(A) = 0,3 va P(AB) = 0,06. Khi d6, P(B)
bang

@) 0,6. 0,15. © 0,8. D) 0,2.
¢ Cau 3. Dao ham ctia ham s6 y = 2% + 3% tren R 1a

@) y = 2x + 3. ®B) y =2z +3%In3.

© v =2z + x3° 1. D y =z +3°In3.
&> Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh, SB = SC va BSC = 80°.
Géc gitta hai duong thing SC va AD bing

@ 30°. 50°. (©) 80°. @ 100°.

¢ Cau 5. Vdi a la sb thyc duong tuy ¥, log,(16a) — logy(2a) bang

@) 3. 4. (©) log,(4a). (D) log,(8a).
¢ Cau 6. Trong hinh vé bén dudi, chiéc laptop dude mé goi nén hinh dnh ctia mot goc nhi dién.
Ta goi s6 do goc nhi dién d6 14 do mé ciia laptop. Do mé ctia chiée laptop d6 bang bao nhiéu do
(lam tron két qua dén hang don vi)?

(@A) 74°. 73°. (© 106°. (D) 107°.
$> Cau 7. Dao ham ctia ham s6 y = cos 6z trén R 13

() y = sin 6. Yy = —6sin 6x.
© y = —sin6z. (D) ¥ = 6sin6z.

$> Cau 8. Trong khong gian cho cic dudng thang a,b va mat phang (P). Ménh dé nao sau day
ding?

(A) Néu a//(P) vab//a thi b//(P)..

Néu a L hai duong thiang trong (P) thi a L (P)..
(© Néua//(P)vab Lathib L (P).

(D) Néua//(P)vab L (P)thib L a.

¢ Cau 9. Cho cap s6 nhan (u,) véi uy = 8 va us = 64. Cong boi cia cap sé nhan da cho bang
@) 8. 1. © 2. D) 4.
) 1\*
¢ Cau 10. Tap nghiém ctia bat phuong trinh <5> > 5 1a
@ (=1; +00). (—o0; —1). © (—o0s1). © (L +00).
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$® Cau 11. Cho hinh chép S.ABC ¢6 ddy ABC' la tam giac can tai B. Canh SA vuodng goc véi
mat phang day va goi M la trung diém canh AC. Duong thang BM vudng goc v6i mit phing nao
duéi day?
@) (SAC). (SBC). © (SAB). (D) (ABC).
¢ Cau 12. Thong ke s6 tien (don vi nghin dong) ma 60 khach mua & mot siéu thi mini trong mot
ngay thu duge két qua nhu sau:
Nhém s6 tién | [40;50) | [50;60) | [60;70) | [70;80) | [80; 90)
Tan s6 3 6 19 23 9

Tt phan vi thit nhat ctia mau s6 lieu ghép nhém trén (lam tron két qué dén hang phan tram) la

@) 69,83. 63, 16. © 77,39. D) 70,87.

Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Cho ham s6 y = 2* — 322 — 92 + 8 ¢6 dd thi (C). Xét tinh ding sai clia cdc khang dinh
sau:

a) C6 hai diém phan bigt thuoc do thi (C) ma tiép tuyén tai hai diém dé ctia do thi (C) c¢6 he

s6 goc bang —12.

b) Tap nghiém ctia bat phuong trinh 3/ < 0 1a (—3;1).

c¢) Phuong trinh tiép tuyén ctia do thi (C) tai diem A(—2;6) 1a y = 15z + 36.

d) Dao ham ctia ham s6 da cho trén R 1a ¢ = 322 — 62 — 9.
& Bai 2. Cho hinh chép S ABCD c¢6 day ABCD la hinh cht nhat v6i AB =4 va AD = 2. Mat
bén (SAB) la tam giac déu va vuong goc véi mat day. Goi H, K lan lugt 1a trung diém cac canh
AB va CD.

a) Duong thang SH vuéng géc mat phang (ABCD).

b) Khoang cach gitta dudng thing AB va mit phing (SCD) bing v/3.

) N V15
c¢) Cosin goc gitta duong thang SD va mat day bang =

d) Hai mat phang (SHC) va (SK B) vuong goc.
Phan III. Cau tra 16i ngan Thi sinh trd 10i to ciu 1 dén cau 4.
. 1
& Bai 1. Bat phuong trinh 2775 > 3 ¢6 bao nhiéu nghiém nguyén duong nhé hon 107

& Bai 2. Két qua hoc tap ctia 500 hoc sinh khéi 11 truong THPT Pham Pha Thi hoc ki I nam
hoc 2024-2025, trong dé c6 82 hoc sinh dat diém giéi mon Toan; 76 hoc sinh dat diém giéi mon
Vin va 35 hoc sinh dat diém giéi ca 2 mon Toan, Van. Chon ngau nhién mot trong s6 500 hoc sinh
no6i trén. Tinh xac suat dé chon dugce hoc sinh dat diém giéi it nhat Toan hodc Van (lam tron két
qué dén hang phan tram).

Z - 1 X Z Z P 2
& Bai 3. Cho ham s6 y = f(z) = ’ 7 c6 do thi (C). Phuong trinh tiép tuyéen cia (C) tai diem
x
¢6 hoanh do zp = —3 ¢6 dang y = axz + b. Tinh a — b.

& Bai 4. Van tbc ctia mot chat diém chuyén dong duge bicu thi bdi cong thiic v(t) = 6t +t2, trong
do t > 0, t tinh bang gidy va v(¢) tinh biang mét/giay. Tim gia tdc clia chat diém tai thoi diém ma
van toc chuyén dong 1a 7 mét/giay.

» Sww lary va Bién soan: Lé PZL’/Z/{ K/{(z - 0399653362



Phan IV. Ty luan Thi sinh trd loi ti caw 1 dén cau 3. Thi sinh trinh bay 0i gidi chi tiét
& Bai 1. Tinh dao ham ctia caAc ham sb sau:

1
:_3_2 2.
a) y= 32" — 225

b) y =z (z+2).

& Bai 2. Cac hoc sinh 16p 11A lam thi nghiém gieo mot gidng lia gom loai I va loai II. Xac suat
dé hai loai hat lta loai I va II ndy mam tuong tng 1a 0,95 va 0, 84. Gia sit viec ndy mam ctia hat

laa loai I va hat laa loai II 14 doc 1ap v6i nhau. Dung so do hinh cay, tinh xac suat dé c6 ding mot
loai hat lta niy mam.

& Bai 3. Mot bé ca hinh chép cut déu, day bé 1a hinh vuéng c¢6 canh bing 20 cm, miéng bé 1a
hinh vuong c6 canh bang 30 cm va chiéu cao bing 20 cm.

a) Tinh dung tich ctia bé ca.

b) Ngudi ta d6 vao bé mot lugng nude, biét bé mat nude 1a mot hinh vuong c6 canh bang 28 cm.
Tinh thé tich ctia lugng nuée da do vao.

|
|
1
1
|
A

1
1
|
|
|

» Sww lary va Bién soan: Lé 7’&,'/2/( }(//((z - 0399653362 27



28

PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DPE SO 9 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Dao ham ctia ham s6 y = 5% 1a

@)y = x5-x5"”’1. y' = 5%,
@y'zm. D y =5"In5.

$> Cau 2. Cho hinh ling tru tam gidc déu c6 tat cd cac canh bang nhau. Géc gitta hai dudng
thang A’'B va CC' 1a

@) 60°. 30°. © 90°. (D) 45°.
¢S Cau 3. Mot hop chita 21 tam thé cliing loai duge danh s6 thit tuy tir 1 dén 21. Chon ra ngau

nhién 1 thé tit hop. Goi C' 1a bién ¢6 "S6 ghi trén thé duge chon chia hét cho 2", D 1a bién c¢6 "S6
ghi trén thé dugc chon chia hét cho 3". Khi d6 bién c¢6 C'D la

(A) "S6 ghi trén thé duge chon chia hét cho 4".
"S6 ghi trén thé duge chon chia hét cho 12".
(©) "S6 ghi tréen thé duge chon chia hét cho 5".
(D) "S6 ghi trén thé duge chon chia hét cho 6".

1
$® Cau 4. Phuong trinh 27 = 3 c6 nghiém la

@) 4. -3. © —4. D) 3.
$& Cau 5. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng canh a, SA 1L (ABCD),
SA = a\/2. Tinh khoang cach giita duong thing C'D va mit phéng (SAB)?

@) a. a\f. © 2a. D) av/2.

¢S Cau 6. Cho hinh chép S.ABC ¢6 SA 1L (ABC), day ABC' la tam giac vuong tai B. Chon
khéng dinh sai trong cac khing dinh sau

@ (SAC) L (ABC). (SBC) L (SAB).
© (SBC) L (SAC). ©) (SAB) L (ABC).

¢ Cau 7. Cho hinh lap phuong ABC'D.A’B'C'D’ ¢6 canh bang a. Tinh tan clia goc tao bdi duong
thang AC” va (ABCD)?
V3 2

¢ Cau 8. Cho A, B 1a hai bién ¢6 doc lap. Biét P(A) = 0,3; P(B) = 0,7. Xac suat cia bién ¢b
AB la

@) 0,21. 1. © 0,49. (D) 0,09.

. 1
$® Cau 9. Cho ham so y = §x3 — 322 + 52 + 3. Goi 1, 73 14 cac nghiém ctia phuong trinh 3 = 0

V6 1
v ® 7
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(1 < 9). Gid tri S = 229 — x4 12

@A) 9. ® 9. © 7. D -3.
¢ Cau 10. Tap nghiém ctia phuong trinh log,(z 4+ 1) = log,(2 — 4x) la
1 1
® o i3 © {0} ® {-5)-
Phan II. Cau tric nghiém dang sai  Thi sinh trd l0i to cau 1 dén cau 2. Méiyj a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = 3,BC = 4, AA’ = 5. Cac ménh dé
sau day dung hay sai?
a) Hai mit phang (AA'C'C) va (BDD'B’) vudng goc v6i nhau.
2 NS 5
b) Sin goc gitta mat phang (A’'BC) va (ABCD) bang ——.
) Sin géc gitta mat phang (A'BC) va ( ) bang Ve

) . 60
c) Khoang céch gitta hai mat phang (ACD’) va (A'C'B) bang

V769

d) Thé tich khéi hop chit nhat bing 60.
& Bai 2. Cho ham s6 y = f(z) = —2® + 622 — 92 + 1 ¢6 d6 thi (C). Cdc menh dé sau day ding
hay sai?

a) Phuong trinh tiép tuyén ctia do thi (C') ¢6 he s6 goc 16n nhat 1a y = 3z — 7.

b) Bat phuong trinh ¢’ > 0 ¢6 ding ba nghiégm nguyen.

¢) Phuong trinh tiép tuyén ctia do thi (C') tai M(0;1) la y = —9z — 8.

d) v = —32% + 122 — 9.

Phan III. Cau tra 16i ngan Thi sinh trd 10 to cau 1 dén cau 4.

& Bai 1. O rudi gidm, tinh trang canh dai 1a tinh trang troi hoan toan so véi tinh trang canh
ngan. Cho ruoi giam cai canh dai thuan chiing giao phdi véi rudi giam duyc canh ngin thuan ching
thu dugce Iy toan rudi giam canh dai. Tiép tuc cho F} giao phéi v6i nhau va thu duge cac con rudi

giam F,. Lan lugt 1y ngdu nhién hai con ruoi giam F, tinh xac suat cia bién c¢6 “C6 ding mot
con Tudi giam canh dai trong hai con dugc lay ra” (lam tron dén hang phan tram).
& Bai 2. Anh Hung gti tiét kiem khoan tién 700 trieu dong vao mot ngan hang véi 1ai suat
7%/nam theo hinh thiic 1ai kép ki han 12 thang. Tinh thoi gian téi thiéu gii tiét kiem dé anh Hung
thu duge it nhat 1 ti dong (c& von 1an 1ai). Cho biét cong thiic 1ai kép 1a T'= A - (1 + )", trong
d6 A la tién von, T 1a tién von va lai nhan duge sau n nam, r 14 1ai sudt/nam.
& Bai 3. Can nang trung binh clia mot em bé trong do tudi tit 0 dén 36 thang c6 thé duge tinh
gan ding bdi ham s6 w(t) = 0,00076t> — 0,06t> + 1,8t + 8,2, trong d6 ¢ duge tinh bang thang va
w duge tinh bing pound. Tinh tdc do thay doi can nang ctia em bé dé tai thoi diém 15 thang tuoi
(két qua lam tron dén hang phan tram).
& Bai 4. Mot vat chuyén dong v6i phuong trinh S(t) = 4t2 + ¢, trong d6 t > 0, ¢ tinh bang giay,
S(t) tinh bing mét. Tim gia téc clia vat tai thoi diem van toc clia vat bang 11.

Phan IV. Ty luan Thi sinh trd i tic cau 1 dén cau 4. Thi sinh trinh bay 100 gidi chi tiét
& Bai 1. Tim tap hop nghiém ciia bat phuong trinh 3% — 2 - 5% < 0.
& Bai 2. Mot vat chuyén dong xac dinh bdi phuong trinh chuyén dong s(t) = t? — 4t + 3, trong
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dé s 1a quang dudng tinh bang mét va t 14 thoi gian tinh bang giay. Tinh gia t6éc clia chuyén dong
tai thoi diem ¢ = 4.

& Bai 3. Cho lang try tam giac ABC.A'B'C’ ¢6 day la tam giac déu canh bang 5, do dai canh
bén bing 20. Biét mat phang (BCC'B’) vuong géc véi mat phang day va goc B'’BC = 30°. Tinh
thé tich khéi chop A.CC'B’.

& Bai 4. Cho hinh chép S.ABCD cé canh bén SA vuéng géc véi mat phang day, ABCD la hinh
vuong canh bing 4. Biét géc gitta SB va mit day bang 60°. Goi M la diém nam trén canh C'D
sao cho DM = 2MC. Tinh khoang cach tit diém M dén mat phang (SBD).
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 10 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Cho ham s6 y = log, x va y = log, x ¢6 do thi nhu hinh vé bén. Ménh dé nao dudi day

ding?
)
y =log, x
x
y = log, x
A 0<a<l<b. B 0<b<a<l.
©0<a<b<]l. Do<b<l<a.
¢ Cau 2. Tim nghiém ctia phuong trinh 3221 = 243,
@A) = =5. ® = =3. © z=4. D) = =6..
¢ Cau 3. Cho tt dien déu ABCD, goc giita hai dudng thang AB va CD bang
@) 30°.. 45°.. ©) 60°.. (D) 90°..

$® Cau 4. Cho hinh chép S.ABC ¢6 day ABC la tam giac vudng tai B, canh bén SA vudng goc
v6i day, M la trung diém BC, J la trung diém BM. Khang dinh nao sau day ding?

(A) BC 1 (SAB).. BC L (SAJ)..

(© BC L (SAC).. (D) BC 1 (SAM)..
¢ Cau 5. Cho hinh chép S.ABCD c¢6 SA L (ABCD) va day la hinh vuong. Tt A ké AM L SB.
Khang dinh nao sau day ding?

@A) SB L (MAC). AM 1 (SAD).

(© AM L (SBD). (D) AM 1 (SBC).
¢ Cau 6. Cho hinh chép S.ABC c¢6 day ABC' la tam giac vuong tai A, canh bén SA vuodng goc
v6i day. Khang dinh nao sau day ding?

@A) (SAC) L (SAB).. (ABC) L (SBC)..

© (SAC) L (SBO).. (D) (SBC) L (SAB)..
$> Cau 7. Cho hai bién c¢6 A va B. Bién c6 hop ctia A va B 1a bién cb:

(A) “A va B xay ra’..

“A hoac B xay ra”..
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(©) “A xay ra”..
(D) “B x4y ra hogc cd A va B xay ra’..

> Cau 8. Gieo mot dong tién lien tiép ba lan. Goi A 1 bién ¢6: "It nhat mot lan xudt hién mat
sap’. Xac suat ctia bién c6 A 1a

@A) P(A)=2. P(A)=1. © P(A) = 1. D) P(A) = ;..
¢S Cau 9. Mot hop c6 chita 3 vien bi trang va 2 vién bi d6. Lay ngau nhién hai vién bi. Xac suat
dé c6 hai vien bi khac mau la

® 3. ©1 oFs
¢ Cau 10. Trong cac phat biéu sau, phat biéu nao la dang?

@ Néu y = f(z) c6 dao ham tai o thi né lién tuc tai diém dé..

B) Néu y =

(© Néuy = ;Ex khong lien tuc tai 2 thi né c¢6 dao ham tai diem do..

@ Néu y = f(
$> Cau 11. Dao ham ctia ham s6 y = 322 + V2z 1a

@ 6z + .. 62 + 5= © 62+ = D) 62 + 575
¢S Cau 12. Dao ham cap hai cia ham s6 y = z — cosz 1a

(A) cosx.. —COST.. © 1 —sinz.. D) 1+sinz..

Phan II. Cau trac nghiém diang sai Thi sinh trd loi tic cau 1 dén cau 2. Méi  a) b) c) d)
thi sinh chon diung hodc sai

)
r) ¢6 dao ham tai zo thi né khong lién tuc tai diém do..
)

x) lién tuc tai z¢ thi né c6 dao ham tai diém dé..

& Bai 1. C6 ba nguoi cuing di cau ca. Xac suat cau duge ca clia nguoi thit nhat 1a 0, 5. Xac suat
cau dugc ca ctia ngusi thit hai 1a 0, 4. Xéac suat cau dude ca clia ngudi thi ba 1a 0, 3.

a) Xac suat dé c6 ding 1 ngudi cau duge ca bang: 0, 34.
b) Xéc suat dé c6 ding 2 ngusi cau dude ca bang: 0, 29.
¢) Xac suat dé nguoi thit 3 luon luon cau duge ca bang: 0, 3.

d) Xac suit dé c6 it nhat 1 ngusi cau dugde ca bang: 0, 21.

& Bai 2. Cho ham sb f(z) = i:i
S

c) He s6 goc clia tiép tuyén tai diém c6 hoanh do biang 2 1a k = 1.

d) Phuong trinh tiép tuyén ctia dd thi ham s6 y = f(z) tai giao diém ctia d6 thi véi truc hoanh
lad:y=ux+2.

Phan III. Cau tra 18i ngan Thi sinh trd i tic cau 1 dén cau 4.
& Bai 1. Cho ham s6 y = % Tinh tong tat ca cac nghiém ciia phuong trinh 3 = 0.
& Bai 2. Trong mot thiing phiéu boc tham tring thudng cé 30 14 phiéu duge danh s6 thi ty tu
1 dén 30. Ngudi ta rut ra tit thiing phiéu mot 14 tham bat ki. Tinh xac suat ctia bién ¢6 "La tham
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rat dude c6 s6 thi tu chia hét cho 4 hoac 5".
& Bai 3. Hai cau thua sut phat dén. Méi nguoi da 1 1an véi xac suat lam ban tuong ting 14 0,8 va
0,7. Tinh xac suat dé c6 it nhat 1 cau thi lam ban.
& Bai 4. Cho khdi chép S.ABCD c6 day 1a hinh vuong canh 3, SA vuong goc véi day va khoang
cach tit A dén mat phang (SBC) bing %ﬁ Tinh thé tich V ctia khoi chop da cho.

Phan IV. Tu luan Thi sinh trd l0i to cau 1 dén cau 4. Thi sinh trinh bay l0i gidi chi tiét
& Bai 1. Ban A mudn lam cic vién nuéc da c6 dang khoi chép cut tit giac déu co6 day 16n bang

3 cm, day nho bang 1,5 cm va cao 3 cm bang cach ding khay da, méi khay sé tao duge 6 vien da.
Hoéi ban A can it nhat bao nhiéu khay dé chita dong thoi 2 lit nuée?

& Bai 2. Ba ngudi cing ban vao 1 bia. X4c suat ban tring dich ctia ngudi thit nhat, thit hai, thit
ba lan lugt 14 0, 7;0,6;0,8. Tinh xic suat clia bién c6 "Chi c6 hai ngudi trong ba ngudi ban tring
dich".
& Bai 3. a) Cho ham s6 y = ¢” cos x. Chiing minh: 2y’ — y” = 2¢” cos z.

b) Cho ham s6 y = f(z) c6 dao ham trén R va thoa man f(2) = 3, f/(2) = —5. Viét phuong
trinh tiép tuyén ctia do thi ham s6 g(z) = zf(x) tai diém c6 hoanh do x = 2.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DPE SO 11 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu

12 méi cau héi hoc sinh chi chon mot phuong dan.

. . — f(2) | .
¢S Cau 1. Cho ham s6 y = f(x) ¢6 dao ham trén R. Két qua lim J@) = 12) bang

r—2 xr —

@ 31'(2). f'2). © f(2). @ 2f(2).

¢ Cau 2. Biét ham s6 mil y = a*,a > 0, c¢6 do thi nhu hinh bén duéi:

Khang dinh nao sau day ding?

@A) a=1. B 0<a<l. © a<0. D) a > 1.
9 Cau 3. Trong khong gian, qua diém O cho trude, c6 bao nhiéu mit phang vuong géc véi dusng
thang A cho trusc?

@) 1. Vo sb. © 3. D) 2.

¢ Cau 4. Nghiém ctia phuong trinh 23275 = 16 1a

@A) z=3. ® = =2. © z=T. @x:%
> Cau 5. Trong mot ki thi c6 60% thi sinh dé. Hai ban A, B cuing du ki thi d6. Xéac suat dé chi
c6 mot ban thi dé bang

@) 0,24. 0, 36. © 0,16. (D) 0,48.

¢ Cau 6. Dao ham ctia ham s6 y = In(2? + 2z + 1) 1a

@y = ® Y =~
@ y/ - xgj--;il @ y/ - _$22-glc—jc_—1&-1
¢S Cau 7. Cho A va B la hai bién ¢ doc lap. Ménh dé nao duéi day dung?
(A) Hai bién ¢6 A va B khong doc lap.
Hai bién c¢6 A va B khong doc lap.
(C) Hai bién c6 A va B doc lap.
@ Hai bién ¢ A v AU B doc lap.

$> Cau 8. Mot hop dung 10 tam thé cing loai danh s tit 1 dén 10. Rat ngau nhién mot tam thé
trong hop d6. Goi A 1a bién c6: "Rat duge tam thé ghi s6 nhé hon 5", B 1a bién c6: "Rut ducge
tam thé ghi s6 18". S6 phan tit cia AU B 1a
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@ 4. ® 7. © 6. ©) 5.

¢ Cau 9. Cho hai bién ¢6 A va B. Khang dinh nao sau day ding?

@) P(AUB) = P(A) + P(B).
P(AUB)=P(A)+ P(B) — P(AB).
© P(AUB) = P(A) - P(B).
(D) P(AUB) = P(A) + P(B) + P(AB).

$> Cau 10. C6 hai hop chita cac vién bi. Hop thit nhat chita 4 bi xanh, 3 bi d6. Hop thit hai chita
5 bi xanh, 2 bi d6. Goi bién c6 A 1a "Ban An lay ngau nhién mot vién bi xanh tit hop thi nhat",
bién c6 B 1a "ban Binh lay ngau nhién mot vién bi xanh tit hop thit hai". Tinh P(AN B).

i ® i © - © 3

¢ Cau 11. Cho ham s6 y = f(x) xac dinh tréen R thoa méan lim fz) = 1)

lim ———=3 = 2. Két qua ding

la

@ f'(2) =3 f'z) =2 © f'(z) =3 @ f'(3) =
¢ Cau 12. Cho ham s6 y = 2v/222 + z — 5. Tinh ¢/(2)
® % 21/5. © 57 ® V5.
Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méiyj a) b) ¢) d)
thi sinh chon ding hodc sai
& Bai 1. Cho hinh chép S.ABC c¢6 day la tam giac vuong tai B, AB = a, BC = 2a, SA vudng
géc véi ddy. Biét SC hop véi mat didy mot goc 60°. Xét tinh ding/sai ctia cac khang dinh sau:
a) (SC; (ABC)) = SCA.
b) d(SA; BC) = aV/2.
c) SA= av/15.
V1546
3
& Bai 2. Cho ham s6 y = 223 — 322 4 42 — 1. Cac ménh dé sau ding hay sai?
a) C6y = 62?2 — 6 + 4.
b) y'(—3) = 67.
¢) Phuong trinh tiép tuyén ctia do thi ham s6 tai diém M (1;2) 1a y = 42 + 2.
)

d) Vsape =

d) Mot vat chuyén dong c6 phuong trinh la s(t) = 2% — 3t2 4+ 4t — 1 (m) trong d6 ¢ 1 thoi gian
tinh bing giay, thi van tdc tic thoi clia vat tai thoi diém ¢ = 3 (s) bang 40 (m/s).
Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 3.
& Bai 1. Khdo sat hoc sinh 16p 11A1 tai truong THPT X, ¢6 54% hoc sinh giéi mon Van, 68%

hoc sinh gi6i mon Toan va 7% hoc sinh khong gi6i ca hai mon nay. Chon ngau nhién mot hoc sinh
trong 16p. Tinh x4c suat dé hoc sinh d6 gidi ca hai mon Toan va Van.

& Bai 2. Mot chuyén dong c6 van téc duge biéu dién theo do thi hinh bén. Tinh gia téc cla
chuyén dong tai thoi diém ¢t = 1(s).

& Bai 3. Mot chiéc 1ong den kéo quan c6 hinh lang tru luc giac déu véi canh day 8 cm. Biét tong
dién tich cAc mit bén ciia chiée 1ong dén nay bang 1536 cm?. Tinh thé tich ctia chiée 1ong den dé
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(don vi cm®, quy tron dén hang don vi).

_______

& Bai 4. Cho ham s6 y = V4x — x2. Tim s6 nghiém nguyén ctia bat phuong trinh 3 < 0.
Phan IV. Ty luan Thi sinh trd 15i ti cau 1 dén cau 8. Thi sinh trinh bay l0i gidi chi tiét

& Bai 1. Mot cai hop hinh lap phuong, bén trong né dyng mot mo hinh do choi ¢6 dang hinh chép
tit giac déu ma dinh ctia hinh chép d6 tring véi tam ciia mot mit chiée hop, gid st hinh vuong
day ctia hinh ch6p trung véi mot mit ctia chiée hop (mét nay ciing véi mat chita dinh hinh chép
13 hai mat ddi nhau). Biét canh ctia chiéc hop bing 30 cm, hay tinh thé tich phan khong gian bén
trong chiéc hop khong bi chiém bdéi mo hinh do choi dang hinh chép (mo hinh do choi duge lam
béi chat lieu nhya dic bén trong).

& Bai 2. Trong phong hoc clia An c6 ba béng den va xac suat hong clia ching lan luot bang
0,05;0,04;0,03. Chi can c6 mot béng den sang thi An van c6 thé lam bai tap duge. Tinh xac suat
dé An c6 the lam bai tap, biét tinh trang (sang hodc bi hdng) ctia mdi bong dén khong anh hudng
dén tinh trang cac boéng con lai.
& Bai 3. Cho ham s6 y = V2?2 + 4z + 9 ¢6 do thi (C).

a) Tinh y'.

b) Viét phuong trinh tiép tuyén ctia do thi (C) tai diém A(0; 3).
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 12 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Tap x4c dinh ctia ham s6 y = log z 13

@ [1;+00). (0; +00). © [0;+00). ® (1;+00).
> Céu 2. Nghiem cfia phuong trinh (JEZQH _ 5ol 1y

@A) z=-lz=2. V6 nghiem.

© rv=12=2 Dz =1;2=-2.
$> Cau 3. Néu lim,_,3 % = 7 thi ta két luan

@ f(3)=3. f(71)=0. © f(7)=3. ® f(3)="1.

9 Céu 4. Cho hinh chép S.ABC ¢6 SA L (ABC), tam giac ABC déu canh a va SA = a. Tim
goc gitta SC va mat phang (ABC).

@A) 45°. 90°. ©) 30°. (D) 60°.
¢ Cau 5. Tinh dao ham ctia ham s6 y = 2° + 22 + 1
"= 32% 4 2x. "= 3x% + 2.
@y y
© v =32> +2z + 1. Dy =22+2.

$> Cau 6. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong tam O, SA 1 (ABCD). Khing
dinh nao sau day sai?

@) (SBC) L (SAB). (SAB) L (ABCD,).

© (SAC) L (ABCD). D) (SAC) L (SAD).
¢S Cau 7. Cho hinh chép S.ABC' ¢6 day la tam giac vuong tai B; SA 1L (ABC). Goc gita (SBC')
va (ABC) la goc nao?

@ SBC. SBA. © SCB. ©) SCA.
¢ Cau 8. Tim tap nghiem S ctia bat phuong trinh logi(z +1) <log1(2z —1).

@A) S = (—o0;2). Sz(%;Q).

© S = (2;+00). D) S =(-1;2).

$> Cau 9. Vi trf clia mot vat chuyén dong thang duge cho bdi ham sb s(t) = 2 — 6t + 9¢, trong
dé t tinh bing giay va s tinh bang mét. Van toc clia vat tai thoi diem ¢ = 4 giay 1a

() 6 m/s. 7 m/s. © 8 m/s. (D) 9 m/s.
¢ Cau 10. Cho ham s6 y = 2% — 322 + 2. Viét phuong trinh tiép tuyén ctia do thi ham sb tai giao
diém vé6i duong thang y = —2.
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@A) y=-9r+ Ty =—2. ®B) y=—2.

© y=9r+Ty= -2 D y=91r+Ty=2
¢ Cau 11. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, AB = a, AD = 2a,SA
vuong goc véi day va SA = av/3. Thé tich cta khéi chép S.ABC'D béang

@ 4\/33&3' 4/3a3. @ 2\/5&3‘ @ 2v/3a3.

$» Cau 12. Lop 11A8 truong THPT X ¢6 25 hoc sinh nam va 20 hoc sinh nit. Chon ngau nhién
dong thoi hai ban tit 16p nay dé tham du cudc hop ciia truong. Tinh xac suat chon duge hai ban
c6 ciing gidi tinh dé di du cude hop.
19 10 49 29
5 ® 5 5 %
Phan II. Cau tric nghiém diang sai Thi sinh trd [0 tic cau 1 dén cau 2. Méi  a) b) c) d)
thi sinh chon ding hodc sai

. . 6
& Bai 1. Cho khoi chép tit giac deu S.ABCD c¢6 AB =a,SA = %. Xét tinh dung sai cua cac

khang dinh sau:

a

N 2 . 6
a) Chiéu cao ctia khoi chép S.ABCD bang e

3
b) Thé tich cita khéi chop S.ABCD bing & 6‘/6

¢) S6 do goc gitta duong thang SA va mit phang (ABC D) biang 30°.

. 2 . 15
d) Cosin ctiia s6 do géc nhi dién [S, CD, B] bang %

& Bai 2. Mot tai xé dang 1ai xe 6 t0, ngay khi phat hién c6 vat can phia truée da phanh gap
lai nhung van xdy ra va cham, chiéc 6 t6 dé lai vét truot dai 20,4 m (tinh tit lic dap phanh dén
khi va cham). Trong qua trinh dap phanh, 6 t6 chuyén dong theo phuong trinh s(t) = 20t — 5752
(0 <t < 4). Xét tinh ding sai ctia cac ménh dé sau:

a) Van toc tic thoi ctia 6 t06 ngay khi dap phanh 1a 20 (m/s).

b) Xe 6 t0 trén chua chay qué toc do, (toc do giéi han cho phép 1a 70 (km/h)).

c¢) Thoi diém x4y ra va cham céach thoi diém bat dau dap phanh 6,8 giay.

d) Van toc tiic thoi clia 6 t0 ngay khi x4y ra va cham 1a 14 (m/s).

Phan III. Cau tra 15i ngan Thi sinh trd loi tic cav 1 dén cau 4.
& Bai 1. Khi khéo sat tai mot 16p hoc ¢6 man hinh thong minh, ngudi ta thay c6 65% hoc sinh
thich xem béng da va 48% hoc sinh thich xem ca nhac trong gio nghi. Gia sit dic diém thich hay
khong thich xem bong da khong anh hudng dén viéc thich xem ca nhac. Gip ngau nhién mot hoc
sinh ctia 16p, x4c suat clia bién c¢6 hoc sinh d6 khong thich xem ci béng da va ca nhac 14 bao nhiéu
phan tram (%).
& Bai 2. Dan s6 ctia Viet Nam nam 2009 1a 85 846 997 ngudi va nam 2019 1& 96 208 984 nguoi. St
dung mo hinh tang trudng mi S(n) = A-e™ (trong d6 A 1a dan s ctia nam 2009, S 1a dan s6 sau
n nam ké tit nam 2009, r 1a t1 16 tang dan s6 hang nam) dé du doan xem vao nam bao nhiéu dan
s6 Viet Nam vugt ngudng 150 trieu nguoi.
r+1

& Bai 3. Cho ham s6 f(x) = 1n< ) bat S = f'(1)+ f'(2) +--- + f/(2024). Tinh —20258S.
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, 2 +1
Bai 4. Cho ha 0 =
& Bai o ham s6 f(z) 1

22 f (x3 + %) tai diém c6 hoanh do bang 1 1a ax — 9y + ¢ = 0. Tinh gia tri a — c.

. Biét phuong trinh tiép tuyén ctia d6 thi ham s6 g(x) =

Phan IV. Ty luan Thi sinh trd 15i ti cau 1 dén cau 2. Thi sinh trinh bay loi gidi chi tiét

& Bai 1. Tinh dao ham ctia ham sé:

5

a) y=az"—cosx — 7.

b) y = (2 — 1)Va? + z.
& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong tam O, canh a. Biét SA L

(ABCD), gbc giita duong thang SB va mit phang (ABC D) bing 60°. Tinh khodng cach gitta hai
dudng thang SO va AB.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 13 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Véi cac s6 thic a, b # 0 bat ki, rit gon bicu thitc P = 2log, a + log, b* ta dugc
@ P =log, (# ) P = log,(2ab?).
© P =log, (& ) : (D) P = logy(ab)?.
$» Cau 2. Cho hinh lap phuong ABCD.A’B'C’'D’. Tinh géc gitta mit phang (ABC D) va (ACC'A).

@A) 60°. 45°. © 90°. (D) 30°.
$© Cau 3. Cho hinh chép S.ABCD c¢6 SA L (ABCD) va day ABCD la hinh binh hanh. Chon
khing dinh ding trong cac khang dinh sau:

@ SALCD. ®) AC L BD. © AB L AC. ® SA L SB.
¢ Cau 4. Cho ham s6 y = 2° — 3z* +  + 1 véi € R. Dao ham y” clia ham s6 la

@) y" = 5xt — 1223, y" = 202® — 3622

© y" =52® — 1222 + 1. D) y" = 202* — 362°.

$» Cau 5. Cho hinh chop S.ABCD, day ABCD la hinh vuong canh a va SA L (ABCD). Biét
SA =28 Goc giiia SC va (ABCD) la
@A) 45°. 75°. ©) 30°. (D) 60°.
$® Cau 6. Cho tit dien déu ABCD. S6 do géc giita hai duong thang AB va CD 1a
@) 60°. 45°. © 90°. ©) 30°.
¢ Cau 7. Cho céc sb6 duong a, b, c, va a # 1. Khing dinh nio sau day dang?
@) log, b+ log, ¢ = log, (bc). log, b+ log, ¢ = log, (b — c).
(©) log, b+ log, c = log, (b + c). (D) log, b+ log, ¢ = log, |b — c|.
& Cau 8. Tiép tuyén ctia do thi ham s6 y = 2% + 2 tai diém 2o = 1 c6 hé s6 goc la:
@A) k=-3. B k=2. © k=-2. D) k= 3.
$> Cau 9. Cho A, B 1a hai bién ¢6 xung khic. Biét P(4) = £, P(AU B) = 1. Tinh P(B).
® 5 ® 5 © - ® 3.
$© Cau 10. Giai phuong trinh log%(:c —1)=-2
@x:g. x:2. @sz. @x:%
$> Cau 11. Cho hai bién c6 A va B. Bién c¢6 "A hosic B xdy ra" dudc goi 1

(A) Bién cb giao ciia A va B.. Bién c¢6 hgp ciia A va B..
(©) Bién c6 dbi ctia B.. (D) Bién c¢6 doi clia A..
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¢ Cau 12. Rit gon biéu thic Q = b3 /b véi b > 0, ta dugc
® Q = b3, ® Q= bs. © Q=17 ® Q = 1.

Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méij a) b) c) d)
thi sinh chon diung hodc sai
& Bai 1. Mot chuyén dong xac dinh bdi phuong trinh S(t) = ¢t — 3t — 9t + 2. Trong dé t dugc
tinh bang giay, S dugc tinh bang mét. Cac ménh dé sau ding hay sai?
a) Gia toc clia vat tai thoi diem ¢ = 2 1a 6 (m/s?).
b) Van toc ciia chuyén dong bang 0 khi ¢ = 0s hodc t = 2s.
¢) Dao ham ctia ham s6 y = In(1 — 2?) 1a 3%

d) Van t6c clia chuyén dong tai thoi diém ¢ = 2s 1a v = 18 m/s.
& Bai 2. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh vuong. Mt bén SAB 1 tam gidc déu
va nam trong mat phang vuong géc véi day. Goi H va I lan luot 1a trung diém ctia AB va BC.
Khi do:

a) SALCD

b) SH L (ABCD)

c) ((SAB),(SAD)) =90°

d) AD 1 (SAB)

Phan III. Cau tra 18i ngan Thi sinh trd 15i tu cau 1 dén cau 4.
& Bai 1. Tap nghiém cta bat phuong trinh log,(x — 2) — log,(8 —x) < 0 1a S = (a;b). Tinh
a® + b3

& Bai 2. Kim tu thap Kheops - Ai Cap c¢6 dang hinh chép déu, day 1a hinh vuong, méi canh bén
cua kim ty thap dai 214 m, canh day ctia n6 dai 230 m. Tim gbc gitta mat bén va mat day cta
kim tu thap (két qua duge lam tron dén hang don vi). Don vi do.

& Bai 3. Mot khu pho c¢6 50 ho gia dinh trong dé c6 18 ho nuodi chd, 16 ho nuoi meo va 7 ho nudi
cd ché va meo. Chon ngau nhién mot ho trong khu phd trén, tinh xéc suat dé: Ho dé khong nuoi
cé ch6 va meo.
1+z—2° ar +b
———¢6d /= ———— Tinh a.b.c

— o dang y 1ot inh a.b.c

Phan IV. Ty luan Thi sinh trd 1oi te cauw 1 dén cau 2. Thi sinh trinh bay 0i gidi chi tiét

& Bai 4. Dao ham clia ham s6 y =
l—x+

& Bai 1. Tim gia tri thyc ctia tham s6 m dé phuong trinh 4% — 2! 4+ m = 0 c¢6 hai nghiém phan
biét.

» Sww lary va Bién soan: Lé 7’&,'/2/( }(/((z - 0399653362

41



& Bai 2. Cho hinh chép S.ABCD day la hinh vuong, mat bén SAB la tam gidc vuong can tai S,
SA = a v mat phang (SAB) vuong goc mit day. Goi H 1a trung diem AB.

a) Chitng minh SH vuong géc mat phang (ABCD).
b) Goi a 1a géc gitta hai mat phang (SCD) va (ABCD). Tinh tan a.
¢) Tinh khodng cich tit diém A dén mat phang (SBD).

AL

& Bai 3. Mot chat diém chuyén dong thing, quang dudng di duge xac dinh bdéi phuong trinh
S =3 — 4t — 2t + 1, t tinh bing giay (s), S tinh bing mét. Tinh gia tdc chuyén dong ctia chat
diém khi t = 3(s).
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 14 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu

12 méi cau héi hoc sinh chi chon mot phuong dan.
¢ Cau 1. Dao ham ctia ham s6 y = 5% 1a
@) —5"In5. ® 2. (© 5" In5. © —=.
¢ Cau 2. Phuong trinh tiép tuyén ctia dudng cong y = 23 + 322 — 2 tai diém c¢6 hoanh do zy = 2
la

@A) y = 24z + 30. ®B) y=9x —T.
©) y = 24x — 30. D) y=9x+T.

¢ Cau 3. Nghiém ciia phuong trinh 37! = 27 13

@A) r=2. B = =1. © z =4. D) z=3.

¢> Cau 4. Hinh da dién sau ¢6 bao nhiéu mat?

@) 9. 12. © 16. ®) 10.
¢ Cau 5. Cho hinh lang tru ding ABC.A’B'C’ ¢6 tat ca cac canh bang nhau. Goc gitta hai duong
thang A’'B va CC’ bing

@A) 90°. 60°. ©) 45°. (D) 30°.
¢ Cau 6. Gieo mot dong tien lien tiép 3 lan. Goi A 1a bién ¢ it nhat mot lan xuat hién mat sap.
Tinh xac suat P(A) clia bién c6 A.

@PH=L  ®PA=L  ©@PW=-L  ®PAW-I
¢ Cau 7. Rat gon biéu thitc P = x5 - N2 véi x> 0,
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@) P = /. ®) P =z, © P=uxm. ®) P =xs.
¢ Cau 8. Tap xac dinh ctia ham s6 y = log; x 1a

@) (—00;+00). 05 +00). © (~00;0). © (05+00).
¢ Cau 9. Cho a > 0 va a # 1, khi d6 log, /a bang

@ —1. 3. © -3. D) 3.

¢ Cau 10. Tung mot dong xu hai lan lien tiép. Viét tap hgp € 1a khong gian mau trong tro choi

trén.
@A) Q={SN;NS;NN}. ®B) Q= {SS;SN;NS}.
© Q={SS;SN;NS;NN}. D) Q= {SN;NS}.

$& Cau 11. Cho hinh chép S.ABC ¢6 day la tam giac vuong can tai C, AC' = 3a va SA vudng
gbc v6i mat phang day. Khoang cach tit B dén mit phing (SAC) bing

@ Za. 32, © 3v2a. (D) 3a.
¢ Cau 12. Cho khoéi chép S.ABC c6 chiéu cao bang 5, day ABC c6 dien tich bang 6. Thé tich
khoi chop S.ABC bang

@ 10. 11. © 15. ®) 30.

Phan II. Cau trac nghiém ding sai Thi sinh trd 1o tic cau 1 dén cau 2. Méi y a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Ba ngudi cuing ban vao 1 bia. Xac suat ban tring dich ctia nguoi thit nhat, thi hai, thi
ba 1an lugt 1a 0, 5; 0,7: 0,8. Khi do:

a) Goi C 1a bién c¢6 "ngudi thit ba ban tring dich" = P(C) = 0,8; P(C) = 0, 2.

b) X&c suat dé dang 2 ngudi ban tring dich 1a 0, 483.

c¢) Goi B la bién ¢ "ngusi thit hai ban tring dich" = P(B) = 0,7; P(B) = 0, 3.

d) Goi A la bién c6 "ngusi thit nhat ban tring dich" = P(A4) = 0,5; P(A) =0, 5.
& Bai 2. Cho ham s6 y = (—2z — 3)(2? + 3z — 1). Khi do:

a) y'(2) >y'(3)

b) ¥(2) = —67

c¢) Do thi ctia ham s6 3/ di qua diém A(3;7)

d) Tich cac nghiem ctia phuong trinh ¢’ = 0 béng I

Phan III. Cau tra 18i ngan Thi sinh trd i tic cau 1 dén cau 4.
& Bai 1. Cho ham s6 y = 2° — 32" + 522 — 2z + 2025, tinh y”(4).
& Bai 2. Goi S 1a tap hop tat ca cac s6 tu nhién c¢6 4 chit s doi mot khac nhau va cac chit s6

thuoc tap hop {1,2,3,4,5,6,7,8,9}. Chon ngdu nhién mot s6 thuoc S, xac suat clia bién cd A “sd
d6 khong c6 hai chit s6 lién tiép nao ciing 16” 1a P(A) = ¢. Tinh T' = 2a + b.

& Bai 3. Cho ham s6 y = 2° — 3z + 5 ¢6 do thi (C). Phuong trinh tiép tuyén véi (C) tai diem co
hoanh do bang 3 ¢6 dang y = ax + b. Tinh P = 3a — 20.

& Bai 4. Kim tuy thap Ki-op tai Hy Lap c6 dang hinh chép tit giac déu vé6i chiéu cao 147, 5m va
canh ddy 230m. Tinh s6 do goc tao bsi mat ben va mat day cta kim ty thap d6 (két qua tinh ra
do va lam tron dén hang phan chuc).
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Phan IV. Ty luan Thi sinh trd 1oi t caw 1 dén cau 2. Thi sinh trinh bay 0i gidi chi tiét

& Bai 1. Cho ham 86 y = f(x) = 2* +22% — 1 ¢6 do thi (C). Viét phuong trinh tiép tuyén ctia do
thi (C) tai tiép diem M (1;2).

& Bai 2. a) Trong mot 16p 11B ctia Truong THPT ¢6 15 hoc sinh nam va 25 hoc sinh nit. Gido
vién goi ngau nhién tit danh sach 16p 4 hoc sinh lén bang lam bai tap. Tinh xac suat dé 4 hoc sinh
lén bang c¢6 ca nam va ni.

b) Bai thuc hanh mon Cong nghé, Ban Hoa gieo 1 hat lta va 1 hat dau vao 2 chau khéc nhau
(mdi chau 1 hat). Xac suat ndy mam ctia hat laa 1a 0,85, ctia hat dau 1a 0,8. Tinh xac suat hat laa
va hat dau khong niy mam.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DPE SO 1 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Cho A va B 1a hai bién c6 xung khac. Khing dinh nao sau day la sai?
(A) P(AUB) = P(A) + P(B) — P(AB)..
P(AUB) P(A) + P(B)..

© P(AB) =
© P(AU B) = P(A)P(B)..

o Hecong asziijz'd,zf, Vi A, B 1a hai bién ¢b xung khéc nen AN B =0 = P(AB) = 0.
Khi d6 P(AU B) = P(A) + P(B).

Khang dinh P(AU B) = P(A) + P(B) — P(AB) van ding vi P(AB) = 0.

Khéng dinh P(AU B) = P(A)P(B) 1a sai.

Chon D.

¢ Cau 2. Cho hinh lap phuong ABCD.A'B'C'D’. Géc gitta AC va B'D' bang?

@A) 90°.. 30°.. (©) 60°.. (D) 45°..
[} Hwo‘% f/[;}ljl'(gl'. Ta ¢c6 B'D'//BD. Suy ra goc gitta AC' va B'D’ chinh 1a goc gitta AC va BD.
Vi ABCD la hinh vuong nén AC 1 BD, do d6 goc bang 90°.
Chon A.

¢ Cau 3. An va Binh khong quen biét nhau va hoc & hai noi khac nhau. Xac suat dé An va Binh
dat diém giéi vé mon Toan trong ki thi cudi nam tuong tng la 0,92 va 0, 88. Tinh x4c suat dé ci
An va Binh déu dat diém gioi.

@) 0,3597.. 0,8096.. (© 0,0096.. (D) 0,3649..
[ Hmfélj din iéi. Goi A la bién ¢b "An dat diém giéi", B la bién c6 "Binh dat diém gidi".
Vi hai ban khong lién quan dén nhau nén A, B doc lap.
X4ac suat dé ca hai dat diém giéi 1a P(AB) = P(A) - P(B) = 0,92 0,88 = 0, 8096.
Chon B.
> Cau 4. Mot chat diem chuyén dong c6 phuong trinh s = 2t2 4 3t (¢ tinh bang giay, s tinh bing
mét). Van toc clia chat diém tai thoi diém ¢y = 2 (giay) bang
@A) 19(m/s).. 9(m/s).. © 11(m/s).. D) 22(m/s)..
o Hoeong a/r;/éj[d[, Van téc tic thoi 1a v(t) = §/(t) = 4t + 3.
Taitg=2,tacov(2) =4-2+3 =11 (m/s).
Chon C.
$> Cau 5. V6i moi s6 thuc a duong, logs 5 bang

®) 21—510g5 a.. logs a — 2.. © logsa+1.. (D) logs a + 2..
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o Hmfy din gidi. Ta co log; 5 = logs a — log; 25 = log; a — log, 5* = logs a — 2.
C
Chon B.

a £ N o\z2—z+1 2\2xz—1 , . [N .. . .
$> Cau 6. Cho bat phuong trinh () > (2) c6 tap nghiem S = (a;b). Gia tri cia b —a
bang

@ 1. —2.. © —1.. D 2..

[} Huoélj a/(zf/z(,fz'a’zi. Co s0 0 < 2 < 1 nén bat phuong trinh tuong duong:

P-r+l<2r-ler’-3r+2<0&1l<a<2
Tap nghiém 1a (1;2) = a=1,b=2=b—a=1.
Chon A.

¢ Cau 7. Cho a la s6 thyc duong. Gid tri rat gon clia biéu thic P = a3+/a bing

® ot ® 2. © di. ® db.

[} /Z{u‘o/‘igﬁ a,/r‘z‘”/éjzdz',, P=d5-a:=a =as

Chon A.

¢ Cau 8. Cho ham s6 y = 2% — 32 + 2 + 1 v6i x € R. Dao ham " ctia ham s6 1a
@ y" = bt — 1223.. y" = 2023 — 3622..
© vy’ =523 — 1222 + 1. D) y" = 20x* — 362°..

[} Hw)‘igj din gici. Y =5t — 1223 +1 = ¢ = 2023 — 3622

Chon B.

¢ Cau 9. Chon khang dinh ding trong cac khang dinh sau:

(A) Trong khong gian hai duong thang vuong géc c6 thé cat nhau hodc chéo nhau..
Trong khong gian hai mat phéng ciing vuong géc véi mot dudng thang thi song song..
(©) Trong khong gian hai dudng thang phan biét cling vuong géc véi mot duong thang thi song
song..
(D) Trong khong gian hai dudng thang khong c6 diem chung thi song song..
[} Hmf? f/a“/z(ﬁzf(zfzf. Khéng dinh A la ding theo tinh chét ctia hai dusng thang vuong goc trong

khong gian.
Chon A.

¢ Cau 10. Cho hinh chép S.ABCD c6 day 1a hinh vudng, canh bén SA vuong gbéc véi day
(ABCD). Khang dinh nao sau day sai?

(A) BD 1 (SAC).. SA 1 (ABC)..

(© BC L (SAB).. D) CD 1 (SBC)..
o Hmf?ﬁ c/a‘”/iyz,'(iz', Tac6 CD 1. AD va CD 1. SA= CD 1 (SAD). Khang dinh CD 1 (SBC)
la sai.
Chon D.

9 Cau 11. Tap xéac dinh clia ham 86 y = logygys = 12

@) [0;4+00).. (—00;0).. © (0;+00).. (D) (—00;+00)..
[} Haoiy a,/(z‘\/z(/mf(z"[. Diéu kien x > 0 = D = (0;400).
Chon C.

$> Cau 12. Cho hinh hop chi nhat ABCD.A'B'C'D’ ¢6 AB = AD =5 va AA' = 5v/2. Géc giita
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duong thang C A’ va mat phang (ABCD) bing:

@A) 30°.. 60°.. © 90°.. (D) 45°..

A/

D/

\\ G/* D

@ /{UO/Z (/(Z/l(/([(([

Goc gita CA' va (ABCD) la goc LA'CA.
Ta c6 AC = VAB%Z+ AD? = /52 + 52 = 5\/2.
Trong tam giac vuong A’AC, tan ZA'CA = A—A/ = 2? =1= LA'CA = 45°.
Chon D.

Phan II. Cau tric nghiém diang sai Thi sinh trd 10i ti cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon ding hodc sai

& Bai 1. Mot vat chuyén dong véi van téc ban dau 1a vy (m/s) sau dé ding lai, phuong trinh
quang duong ctia vat 1a s = f(t) = —t3 + 6¢% + 15¢, trong d6 ¢ tinh bang giay va s tinh bing mét.

a) Van toc clia chuyén dong tai thoi diém ¢t = 2s la v = 18 m/s.

b) Phuong trinh van téc ctia vat 1a v(t) = —3t? 4+ 12¢ 4+ 15 (tinh theo don vi m/s).

¢) Cho ham s6 f(x) = 23 + 2z, gia tri ctia f'(1) béng 6.

d) Vat dimg lai sau khoadng thoi gian ké tit Iic bat dau chuyén dong la ¢t = 4 giay.
o Hu‘o/‘y din gidi. Ta c6 phuong trinh quang dudng s = f(t) = —t3 + 6¢2 + 15¢. Van tbc ciia vat
la dao ham ctia quang duong theo thoi gian:

v(t) = §'(t) = (—t° + 6t* + 15t) = —3t* + 12t + 15.

Suy ra phuong trinh van toc la v(t) = —3t*> + 12t + 15. Vay ¥ b) 1a Ding,.

Xét cac y con lai:

& Y a): Tait =25, v(2) = =3(2)2+12(2) + 15 = =12+ 24+ 15 = 27 m/s. Vay ¥ a) la Sai.

& Y ¢): Véi f(x) = 2+ 22 = f/(x) = 322 + 2. Khi d6 f'(1) = 3(1)24+2 = 5. Vay ¥ c) la Sai.

& Y d): Vat dimg laikhi v(t) =0 =324+ 12t +15=0 2 —4t—5=0<t=>5 (vit > 0).

Vat dung lai sau 5 giay. Vay y d) 1a Sai.

& Bai 2. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh vuong. Mt bén SAB 1 tam gidc déu
va nam trong mat phang vuong géc véi day. Goi H va I lan lugt 1a trung diém ctia AB va BC.
Khi do:

a) AD L (SAB)

b) SA L CD
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¢) ((SAB), (SAD)) = 90°
d) SH L (ABCD)

[} /‘[mf/(y 5/(512717(21,'.

Ta c6 cac lap luan sau:
& Vi ASAB déu va H la trung diem AB nén SH 1 AB.

©® Do (SAB) L (ABCD) theo giao tuyén AB, ma SH 1. AB nén SH 1 (ABCD). Vay y d)
dang.

& Vi ABCD la hinh vuong nén AD 1 AB. Mt khdc AD 1L SH (do SH L day). Suy ra
AD 1 (SAB). Vay y a) duang.

® Do AD 1 (SAB) vi AD C (SAD) nén (SAD) L (SAB), tic la goc giita hai mit phang nay
bang 90°. Vay y ¢) dung.

® Ta c6 CD//AB. Néu SA 1. CD thi SA 1 AB, diéu ndy mau thuin véi viec ASAB déu
(LSAB = 60°). Vay y b) sai.

Phan III. Cau tra 16i ngan Thi sinh trd l0i tw cau 1 dén cau 4.

& Bai 1. Cho hinh choép ti giac S.ABCD c6 day ABCD la hinh vuong canh bang 6, tam giac

SAB déu va nim trong mit phang vuong goéc véi mat phang day (ABC D). Thé tich ctia khéi chop
da cho bang bao nhieu? (két qua lam tron dén hang phan chuc).

C

[ Haogy r&?}ijzﬁz, Goi H la trung diém ctia canh AB. Vi tam giac SAB déu canh bing 6 nén
SH | AB va duong cao SH = %g = 3./3.
Ta c6 (SAB) L (ABCD) theo giao tuyén AB. Ma SH 1 AB nén SH 1 (ABCD). Vay SH la

chiéu cao ctia khéi chop.
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Dién tich day hinh vuéng ABCD la: Sagcp = 62 = 36.
Thé tich khoi chép S ABCD la:
1 1
vz§-SABCD-SH:5-36-3\/3:36\@%62,35.

Lam tron dén hang phan chuc, ta duge V ~ 62, 4.

& Bai 2. Bac Nam giii ngan hang 100 triéu dong véi ki han 1 nam, vé6i lai suat khong déi 1a 6%
mot nam. Sau n nam gii thi tong s6 tien bac Nam thu duge (ca von 1an 1ai) cho bdi cong thiic
sau: T = 100(1 + 0,06)" (trieu dong). Héi sau it nhat bao nhidu nam, téng sé tién bac Nam thu
duge 1a khong dudi 150 trieu dong?
[} Hu‘o’zzj f/(‘z“/ijzfdzi. Dé tong sb tién bac Nam thu duge khong dudi 150 triéu dong, ta cé bat
phuong trinh:

100(1 +0,06)" > 150 < (1,06)" > 1,5
Lay logarit co s6 1,06 hai vé, ta dugc:

n > log; 46(1,5) ~ 6,958

Vi n 1a s6 nguyen duong (s6 nam giii), nén gia tri nhé nhat cia n thda man la n = 7.
Vay sau it nhat 7 nam, bac Nam thu dugc khong duéi 150 tricu dong.
& Bai 3. Mot chat diém chuyén dong nhanh dan déu véi quang duong S(t) = 102 mét, ¢ 1a thoi
gian chuyén dong ctia chat diém (tinh bing giay). Van toc titc thoi clia chat diém tai thoi diém
t = 2 giay 1a bao nhiéu m/s?
[ H“”W (14512717(2’1'. Van téc tidc thai v(t) clia chat diém la dao ham bac nhat cia ham quang
duong theo thoi gian:

v(t) = S'(t) = (103) = 20t (m/s).
Tai thoi diém ¢ = 2 giay, van toc tic thoi ctia chat diém la:
v(2) =20-2 =40 (m/s).

& Bai 4. Cho tu dién deu ABCD c¢6 canh bang 12. Goi O la trong tam tam giac BC'D. Khoang
cach tit O dén mat phang (ACD) bang bao nhieu? (két qua lam tron dén hang phan tram).

o Hecong cz/(?/é/cz'(ézf. Goi M la trung diém ctia CD. Vi ABCD la tit dien déu nén chan duong cao
ha tit A trung véi trong tam O ctua day (BCD).
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Chiéu cao ciia tam giac déu BC'D canh 12 1a: BM = %ﬁ = 6+/3.
Vi O la trong tam ABCD = OM = 1BM = 2/3 va OB = 4v/3.
Xét tam giac vuong AOB: AO =+ AB? — 0OB? = /122 — (4\/§)2 = /96 = 4+/6.

Trong mit phang (ABM), ké OH 1 AM tai H. Ta ching minh dugc OH L (ACD), nén
khoang cach can tim 1a OH.

Xét tam giac vuong AOM tai O:

1 1 1 1 1 9 9%6 46
Om> OA2 " OMZ 96 12 6 Vo = 3

Phan IV. Ty luan Thi sinh trd 15i ti cau 1 dén cau 8. Thi sinh trinh bay loi gidi chi tiét

& Bai 1. Gii bat phuong trinh e®” =273 > 1.

- / A Co . ~ 2_9p_ 2_9p_
[ /‘[MO’W (/('zn(ﬁzm. Ta co: €% 2873 > 1 & % 2273 > 0,

Vi co s6 e > 1 nén bat phuong trinh tuong duong véi:
2 —2r—-3>0

Xét tam thitc bac hai f(z) = 2% — 2 — 3 ¢6 hai nghiem 1a z; = —1, 25 = 3.

1’ =22 -3>0&
Vay tap nghiém ctia bat phuong trinh 1a S = (—o0; —1] U [3; +00).
r—1
r+2

a) Tinh dao ham ctia ham s6 da cho.

& Bai 2. Cho ham s6 f(x) =

b) Viét phuong trinh tiép tuyén ctia dd thi ham s6 da cho tai diém c6 hoanh do x = 0.

o Hzm‘/(y c/d/ijzfa’zf. a) Tap xac dinh ctia ham s6 1a D =R\ {—2}.

. b\ d—"b
Ap dung cong thitc dao ham ham phéan thic (ax i > = (a ¢ ta co:

cx+d cx + d)?’
1-2—(-1)-1 3
pay=t2= 3
(x +2) (x + 2)
b) Tai tiép diém c6 hoanh do zy = 0, ta co:
Z 2 O_ ]_ ].
-T do tiep diem: yp = f(0) = —— = ——.
ung do tiép diem: yo = f(0) = 5= = —3
- He s6 goc ctia tiép tuyén: k = f/(0) = 33
' ' (0+2)2 4
Phuong trinh tiép tuyén ciia do thi ham s6 tai diém c6 hoanh do z = 0 la:
3 1 3 1
y:k(x—x0)+y0<:>y:Z(x—O)—ééy:Zx—é.

& Bai 3. Cho hinh chép S.ABCD ¢6 day ABCD la hinh chit nhat va SA L (ABCD).
a) Chiing minh rang BC' | (SAB).
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b) Cho SA = AB = a, AD = a/3. Goi ¢ 1a s6 do goc phéng ciia nhi dién [B, SC, D]. Tinh
Cos (.

o uoélj (/(5)%[(212.

a) Ta co:
- BC L AB (vi ABCD la hinh chi nhat).
_BC L SA (vi SA L (ABCD) va BC C (ABCD)).
Ma AB,SA C (SAB) va cit nhau tai A. Suy ra BC' 1 (SAB).
b)
Ké BH 1 SC tai H. Vi ASBC vuong tai B (do BC L (SAB) = BC 1 SB), nén:

SB=+VSA2+ AB2=aV2; BC = AD =aV3; SC=+SB?+ BC? = aV/5.

SB-BC a 2~a\/§_a\/§
sc a/5 V5
Tuong tu, ta c6 CD L (SAD) nén ASDC vuong tai D. Dién tich ASDC' la:

1 1
Sspc = 55D - DC = 5\/a2 + (aV3)? - a = d®.

Goi d = d(B, (SCD)). Vi BA//CD nén BA//(SCD), do d6 d(B, (SCD)) = d(A, (SCD)).

KéAK L SDtai K.ViCD 1 (SAD)nén CD 1 AK,suyra AK L (SCD),vay d(A,(SCD)) =
AK.

Duong cao BH trong ASBC' la: BH =

SA-AD B a-a\/g_ av/3
SD 22 2
Goi ¢ la géc gitta hai mit phang (SBC) va (SCD), ta c6 cong thiic:

d(B,(SCD))  aV3/2 V3 [5 V10

Trong ASAD vuong tai A: AK =

WESTUBE oo 2 Ve 4

Tu doé ta co:
10 6 6
COSQQDZI—SiIP@:l—E:E:>COSQOZ§.

6

Vaycoscp:\/j—.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 2 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

7
$ Cau 1. Cho 2,y € R,0 < z,y # 1. Biét Vo' + L = o™ 4 y». Tinh mn.
Yy

4
3

ol Do

® 3 ® ;. © ®

<
;e

[} Huogzj (/(5)1(717(21,'/. Ta c6: Vat = 25 va = = 76 = L.

6

<

Khi dé: a:%+y1:a:m—|—y":>m:§van:1.

Vay mn = % 1= %. Chon déap an C.

$> Cau 2. Cho hinh chép S.ABCD c6 day 1a hinh thoi tam P. Biét SC = SA, SD = SB. Chon
khang dinh sai trong céc khing dinh sau?

@DBJ.SC’. SPJ_DA. @DBJ_SB. @DBJ_SA.
[} Ha(fiy (z&?}y[éi.

Vi SA=S5C= ASAC can tai S = SP L AC.

Vi SB=SD = ASBD can tai S= SP 1 BD.

Suy ra SP L (ABCD) = SP L DA (B dung).

Lai ¢c6 BD 1 AC (hinh thoi) va BD L SP = BD 1 (SAC) = BD 1L SC va BD L SA (A, D
ding).

Khing dinh C: DB 1 SB la sai. Chon dap an C.

$® Cau 3. Cho hinh chép S.ABC' ¢6 SA vuong goc v6i day, AABC vuong tai B. Goi M la trung
diém BC, K € SB sao cho AK 1 SB. Chon khing dinh sai?

@A) (SAM) L (ABO). (SAM) L (SAC).

© (SAC) L (ABC). (D) (SBC) L (SAB).
[ Hao‘ﬂ(j f/rz”njm’zf. Vi SA L (ABC) nén cac mit phang chita SA déu vuong goc véi day
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= (SAM) L (ABC) va (SAC) L (ABC).

Ta 6 BC L AB va BC L SA= BC L (SAB) = (SBC) L (SAB).
Goc gitta (SAM) va (SAC) 1a goc MAC # 90°. Chon dép an B.

¢S Cau 4. Biédu thic A = log, x xac dinh khi va chi khi « thudc tap nao sau day?

@) R. [0; +00).

© (0;+00). © R\ {0}.

o Hmféz? din 71'(511. Biéu thitc 1ogarit log, f(x) xac dinh khi f(z) > 0. Vay # > 0. Chon dap an
C

¢ Cau 5. Mot nhom ¢6 12 nam va 10 nit. Chon dong thai 5 ban. Goi A: "5 ban Nam", B: "5 ban

ni". Tinh P(AU B).
61 58
1463 ® 1463

(&) Haoud() a/a})éjz'd[. n(Q) = C5, = 26334.

n(A) = C9 = 792; n(B) = C}, = 252.

3 60
e 1463

P(AUB) = 192422 _ 1044 _ 58 (pop dap an B.

26334 26334 ~ 1463°

& Cau 6. Cho chép S.ABCD day hen, SC L day. CD = 4,CB = 6,SB = 3v/5. Tinh

d(B, (SCD)).

@) 8. ®) 6.

© 9. D) 4.

O luong a’(g%m; Vi AB//CD nen AB//(SCD) = d(B,(SCD)) = d(A, (SCD)).

Tacé AD L CD va AD 1 SC = AD L (SCD).
Vay d(B, (SCD)) = AD = BC = 6. Chon déap an B.

¢ Cau 7. Tim tap xac dinh 7' ctia ham s6 y = log;(—4x + 3).

@) T = (—00; 7).
© T = (—00;0).

T =R\ {3}
© T =R\ {0}.

N lucong din gici. Didu kien: —4z +3 > 0 < z < 3. Chon dép an A.

¢ Cau 8. Goi a la nghiem log,[log,(z — 1) 4+ 15] = 2. Tinh a® + a* + 2.

@A) 253. 255.

(©) 254. (D) 257.

e Hueong a/(E/z(jzfd,zf, PT < logy(z — 1)+ 15 =42 = 16 < logy(z — 1) = 1 < a = 3.
C

3% +3%24+2=243 49+ 2 = 254. Chon dap 4n C.

$> Cau 9. Cho hinh lang tru ding ABC.M N P. Chon khang dinh ding?

@) AB L (BCPN).
@© PC L (MNP).

CB L (ABNM).
©) BM L (MNP).
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[} Hmfy f/(f/é/czfa’[.
M P

B

Lang tru ding c6 cac canh bén vudng géc véi hai day = PC L (M NP). Chon dép én C.
> Cau 10. Trong khong gian, hai duong thing vuoéng géc néu goéc giita ching bing:
(A) 180°. 90°. ©) 0°. (D) 45°.
[} Hmfy din giéi. Theo dinh nghia, hai duong thing vuong goc néu goc gitta ching 1a 90°. Chon
dap an B.
$¢> Cau 11. Hai xa tht ban véi xac suat 0,6 va 0,5. Tinh x4c suat ca hai cting truct?
1 4 1 3
Wy 5 ©5 0

[} /{uan(j c/zf/éjz'(z’zl Xac suat ca hai trugt: P = (1—-10,6)-(1—-0,5)=0,4-0,5=0,2 = % Chon

dap an C.
. br —3
$® Cau 12. Tinh dao ham ctia ham s6 y = i 1
_I J—
—99 —23
/! —

@ 7o (_CU 504)2. Y (—CL’ 554)2.

©y/:(—x—4)2' ®y/:(—_:v—4)2‘
[ Hwo/ﬁ (/a?/yzfréz,'. y = 5'(—‘?)_;(_—2))2'(—3) _ (:3:(:?2 = (_;3)2_ Chon dap an B.

Phan II. Cau trac nghiém diang sai Thi sinh trd loi tic cau 1 dén cau 2. Méi y a) b) c) d)
thi sinh chon ding hodc sai
& Bai 1. Cho hinh chép S.ABC c¢6 day ABC la tam giac déu canh a. Biét SA = av2 vad SA
vuong goc voi mit day. Goi M 1a trung diém ctia BC va H 1a hinh chiéu vuong géc ctia A len SM.

a) Dudng thing AH vuong géc v6i mat phang (SBCO).

b) Duong thing SH 1a hinh chiéu ctia dudng thing SA lén mit phang (SBC).

. . 6
¢) Do dai doan thang AH bang ﬁ.

2 2 N 11
d) Cosin goc tao bdi dusng thang SA va mit phang (SBC') bang %

e ucong f/fz,yztfzz. a) Dang. Vi AABC déu c¢6 M la trung diém BC nén AM L BC.

Ma SA L (ABC) = SA 1 BC.

» Sww lary va Bién soan: Lé /”Zm/()(/((z - 0399653362



Suy ra BC L (SAM) = BC 1 AH.

Lai c6 AH L SM = AH L (SBC).

b) Dung. Vi AH L (SBC) nén H la hinh chiéu cia A len (SBC).
Ma S € (SBC) nén S la hinh chiéu ctia chinh no.

Vay SH 1a hinh chiéu ciia SA len (SBC).

a3
2

1 1 1
¢) Sai. Trong ASAM vuong tai A, c6 AM = va SA = a/2. T S0 + YVE

1 4 11 av/ 66
11

6a
_ _— AH e .
2a? + 3a2  6a? = 7 11

d) Sai. Géc gitta SA va (SBC) la o = ASH.

Trong ASAM vudng tai A, SM =/ SA? + AM? = \/2a? + % _—

V11 SH
5 - cosa =

SA°

SA% 2 4da da/VI1 222 V11
Ta c6 SA?2 = SH - SM H = = = . = = .
a co S =9 S “\éﬁ i CoS (v 2 11 # 33

& Bai 2. Xét tinh Ding — Sai ctia cac cong thitc dao ham sau:
a) V6i k 1a hang sb, (k) = 0.

b) (V) = % véi z > 0.

c) V6i u,v 1a cadc ham s6, (uv) = /v’
d) (cos(2z)) = —2sin(2x).
[} Hwofﬁ (/('z‘}yzfdzl a) Dang. Theo quy tdc dao ham co ban ciia hdng s6.

1
N
¢) Sai. Quy tdc dao ham ctia tich 1a (uv)’ = v'v + uv'.

d) Diang. Ta c6 (cos(2z)) = —sin(2zx) - (22)" = —2sin(2x).

b) Sai. Cong thitc ding la (v/z)’

Phan III. Cau tra 18i ngan Thi sinh trd loi tic cauv 1 dén cau 4.
& Bai 1. Cho hinh chép S.ABC' c6 day 1a tam giac déu canh a, SA L (ABC) va SC = 2a. Biét
3
thé tich khéi chép S.ABC bing . m € N. Tim m?
m

[ Hmféz/c z/é/z(jz’dzﬁ
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a*\/3
T
Vi SA 1 (ABC)= SA L AC.Xét ASAC vuong tai A: SA=+/SC? — AC? = \/(2a)? — a® =

a\/g.
. P 1 1 aQ\/g 3a? a?
Thétlchkhmchopla:V:§~SA-SABCZ§-CL\/§~ RTINS

Dién tich day ABC la tam gidc déu canh a: Sapc =

3

. . . a
Doi chicu gia thiet V = — = m = 4.

m

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, SA = av/3,SA L (ABCD).
Tinh goc gita duong thang SD va mit phang (ABCD) 1a a°. Tim «o?

[ /’[uozzj (/(i/L( ﬁ[(z"zf.

C
Vi SA 1 (ABCD) nén AD la hinh chiéu ctia SD trén mit phang (ABCD).
Géc gitta SD va (ABCD) la SDA = a.

A
Trong ASAD vudng tai A: tana = Z_D = av'3 =3 = a=60°.
a

Vay a = 60.
& Bai 3. Cho ham s6 y = é:ﬁ — 222 + 32z — 1. Khi d6 phuong trinh tiép tuyén c6 hée sb6 goc nho
nhat ctia do thi ham s6 trén c6 dang y = —x + % vGi % 12 phan s6 t6i gian, m € N. Tinh m + n?
(2} Hwofﬁ (/('z‘}yzfdzl Tacoy =2 —dx+3=(x—2)*-1> —1.

Heé s6 goc nhé nhat & = —1 khi z = 2.

1 8 1
Véisz:y:5(2)3—2(2)2—1—3(2)—1:§—8+6—1:—§.

. . 1 5}
Phuong trinh tiép tuyén: y = —1(z — 2) — 3 Sy=—x+ 3
Suyram=5n=3=m+n=2_8.

& Bai 4. Trong phong hoc ctia Phuong c6 hai bong dgn va, )ééc suat hong ciia ching 1an lugt bang
0,2;0,3. Xac suat dé Phuong c6 thé lam bai tap 1a 7 Vi 7 1& phan s6 toi gian va @ € N. Tinh
a—+0b?

o Hecong a,’(z“%z(;z. Phuong lam dugc bai tap khi ¢6 it nhat mot béng den sang.

Xac suat ca hai bong den ciing héng 1a: P(héng ca 2) =0,2-0,3 = 0, 06.
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. s 4 4
Xac suat dé Phuong lam duge bai tap la: P =1—0,06 = 0,94 = ) ’

100 50°
Suy raa =47, =50 = a+ b= 97.

Phan IV. Ty luan Thi sinh trd i tic cau 1 dén cau 3. Thi sinh trinh bay 100 gidi chi tiét

& Bai 1. Giai bat phuong trinh 2log;(4z — 3) + log1 (22 +3) < 2.

. 4r —3 >0 3
[} /'[u‘o/‘égj a,/r‘z‘wll, (¢, Diéu kién xéc dinh: { . S > —.

204+ 3> 0 4

Bat phuong trinh tuong duong vdi:
2logs(4x — 3) — logs(2z +3) < 2

_ 2)2 _ 9)2
(4x — 3) o5 (4x — 3) <32 g

1 SN 7
T8 Ty s SYY oy g S

& 1627 — 242+ 9 < 182+ 27 (do 2z +3 > 0)

S 1622 — 420 — 18 <0< 822 —212—9<0

3

. . 3 . 3
Ket hop véi dieu kién z > 7 ta dugc tap nghiém ctia bat phuong trinh la S = (—; 3} )

& Bai 2. Cho hinh vuong ABCD. Goi H, K lan lugt la trung diém ctia AB, AD. Trén dudng
thang vuong géc véi (ABCD) tai H, lay diem S. Ching minh ring: CK 1 (SDH).

[} Hmfy f/[’f/éjzfd[.

Ta c6 SH L (ABCD) (theo gia thiét) ma CK C (ABCD) = SH L CK (1).
Xét hinh vuong ABC'D canh a. Goi 7, 7 la cac vecto don vi trén AB, AD.
ey — — — 1>
Tac6 DH=DA+AH =— —1—52'.
ey — — — 1—>
CK=CD+ DK =—1 _§j'
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— —» 1> - 1 1
Tinh tich vo6 huéng: DH - CK = (52 —j)-(—i ——j) :—§+§:0:>DHJ_CK (2).
Tu (1) va (2) suy ra CK L (SDH) (dpem).

. 2 1
& Bai 3. Cho ham so y = Tt
T+ 2

c6 do thi (C). Viét phuong trinh tiép tuyén cta (C) biét tiép
tuyén song song véi duong thang d : y = 3z + 2.
e /lucong f/afndm'{;z. Tap xéc dinh: D = R\ {-2}.

2(r+2)— (2z+1) 3
Dao hs I = = .
a0 ham y (x +2)2 (x 4+ 2)?
Vi tiép tuyén song song v6i duong thang d : y = 3x + 2 nén hé sé goc clia tiép tuyén la k = 3.
Goi gy 1a hoanh do tiép diém, ta c6: y' () PN 3 (ro+2)?2=1% o=l
1T 11 1 1 m, . x — = €T —
1 Lo ) LIep Y \To (zo + 2)? 0 vo = —3
2(-1)+1
1 Zo Yo 112
Phuong trinh tiép tuyén: y = 3(z + 1) — 1 < y = 3z + 2 (loai vi trung véi d).
2(-3)+1
O Voixg=—-3=yy=——""—=5
Lo S g

Phuong trinh tiép tuyén: y = 3(z + 3) + 5 < y = 3z + 14 (thda man).

Vay phuong trinh tiép tuyén can tim 1a y = 3z + 14.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 3 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.
¢ Cau 1. Gieo mot dong tien can doéi va dong chat ba lan. Xac suat dé ca ba lan xudt hien mit
sap 1a?
1 1 1 1
W5 ® 3 6 7
[ Hwofﬁ (/a‘“/yz(zz. S6 phan t1t ctia khong gian mau khi gieo dong xu 3 lan la n(Q) = 2% = 8.
Bién ¢6 A: "Ca ba lan déu sap" chi ¢6 1 két qua thuan lgi 1a (5,5, S), nén n(A) = 1.
. . 1
Xéc suat cua bién ¢6 A la P(A) = 3
$> Cau 2. Cho a la s6 thyc duong khac 1. Ménh dé nao duéi day 14 diang véi moi s6 thyce duong
T, .

Zz loga i
@ log, ~ ) oz y log,, " = log,(z — y).
© log, = = log, = + log, y. ®) log, = = log, = — log, y
Y Y

[ Hwoffy f/(z‘}zdm'dz'. Theo tinh chat co ban cia logarit: log, <£) = log, x — log, y.
: Y

$> Cau 3. Trong cac ménh dé sau, ménh dé ndo sau day la dang?
(A) Hai mat phang phan biét ciing vuong goc véi mot mit phang thi song song véi nhau..
Hai mat phang phan biét ciing vuong géc véi mot mat phang thi vuong géc véi nhau..
(©) Hai mat phang vuong géc véi nhau thi moi dudng thang nim trong mat phang nay sé vuong
goc véi mat phing kia..
(D) Cho hai mat phang vuong géc v6i nhau. Néu mot duong thing ndm trong mit phang nay va
vuong géc véi giao tuyén ciia hai mat phing do thi né sé vuong goéc véi mit phang kia..
[} Ha‘a‘/z/c a,,/(ézzjz'(ézf. Day la tinh chat co ban vé quan hé vuong goc gitta hai mit phang: Néu
C
(P) L (Q) theo giao tuyén d, mot dudng thang a C (P) vaa L d thia L (Q).
> Cau 4. Phuong trinh tiép tuyén ctia do thi ham s6 y = 2? tai diém c6 tung do bing 8 1a

@A) y = —12x + 16. ®) y=8.

© y =12z — 16. D) y = 12z — 24.
e /lucong (/avymfz. Véi yo = 8 = 23 = 8 = 19 = 2.
Dao ham ¢ = 322 = He s goc tai tiép diém 1a k = ¢/(2) = 3-22 = 12.
Phuong trinh tiép tuyén: y — 8 = 12(x — 2) & y = 122 — 16.

. 2420 -3
$® Cau 5. Tinh dao ham ctia ham s6 y = M——x
x4+ 2
_x +8x+1 B
@y (x+2)2 ® v = (v +2)2
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3 2 +4r+5
I:]_ —_—. I:—
, 2) -3 3
[} /’[uozzj a}(zﬁ( 71.’(21.7. Ta coy :/ % =r— st
3 3
Dao ham: ¢’ = ’—( )zl :
ao ham: ¢y = (z) P +(m—|—2)2

¢S Cau 6. Ham s6 y = 2° ¢6 dao ham 13

@) v = a2t y = Ha’. © y' = 4a5. D) y' = bat.
[ Hav‘aj c/(z‘}yzfdzﬁ. Ap dung cong thiic dao ham ham liy thita (z") = n-2"', ta c6 (z°) = bzt
¢S Cau 7. Cho hinh chép S.ABCD c6 tat ca cac canh bén va canh day bang nhau va ABCD la
hinh vuong tam O. Khing dinh nao sau day ding?

A) AB 1 (SBC). SO 1 (ABCD,).
(© AC L (SBC). (D) SA L (ABCD).
[ Hmj% (/0117(/61(21 Vi chép ¢6 cac canh bén bang nhau va diy 1a hinh vuong nén S.ABCD la

chop tit giac déu. Chan duong cao ha tit dinh S tring véi tam O cua ddy, tiic 1a SO L (ABCD).
> Cau 8. He sb goc k clia tiép tuyén ciia do thi ham s6 y = 22 — 4 tai diém z, 1a

@A) k=22 ®) k = 2x. © k= —2x. D k=—1.
[ Haog (/Q/l(/czaz He s6 goc k ctia tiép tuyén tai diem c6 hoanh do zg 1a gia tri dao ham tai
diém d6: k = 3/ (20) = (22 — 4)'| 4=z = 270.
$> Cau 9. Nghiem ctia phuong trinh log; x = 4 la

@A) x = 81. B z=T. © z=12. (D) = = 64.

o Hocong a/(zﬂ(jmz, Phuong trinh log, o = 4 < 2 = 3% = 81.

L . 1 7 ) L
¢S Cau 10. Cho A, B la hai bién co. Bict P(A) = 3 P(B) = g,P(Aﬂ B) = YR Bién c0 AU B la
bién ¢b
PR | . ,
(A) Co6 xac suat bang " Chéc chan.
\ PR |
(©) Khong the. (D) C6 x4c suat bang 5
R 1 7 5 8+21-5
[} HMO/‘W[/&}Z/[[Q)(: Ta co P(AUB) :P(A)—l-P(B) —P(AQB) = g‘Fg Y = +T =

24
24/— Z Z NS Z 2z z z
Bién co c6 xac suat bang 1 la bien co chac chan.
¢ Cau 11. Cho hai bién ¢6 A va B. Bién ¢6 "Ca A va B déu xay ra" duge goi 1a
(A) Bién c¢6 giao cltia A va B. Bién ¢6 d6i cta B.
(©) Bién ¢6 dbi ctia A. (D) Bién cb hop ctia A va B.
[ Hmfﬁ t/fizifzfdz,'. Theo dinh nghia, bién ¢6 giao ciia A va B (ky hieu AN B) la bién ¢6 xdy ra

1.

khi va chi khi cd A va B dong thoi xdy ra.

$> Cau 12. C6 hai hop chita cac vien bi. Hop thit nhat chita 4 bi xanh, 3 bi d6. Hop thit hai chita
5 bi xanh, 2 bi d6. Goi bién c6 A 1 "Ban An lay mot vién bi xanh tit hop 1", bién ¢6 B 1a "ban
Binh 14y mot vién bi xanh tit hop 2". Tinh P(A N B).
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3| ot

20 ® 9 @é?l ®

49’ 14
e lucong f/aflzc il Xéc suat lay bi xanh & hop 1 1a P(A) = %l.
Xac suat lay bi xanh ¢ hop 2 la P(B) = g
Vi A, B 1a hai bién ¢6 doc lap nén P(AN B) = P(A) - P(B) = %l . g = 121_8

Phan II. Cau tric nghiém dang sai Thi sinh trd [oi ti cau 1 dén cau 2. Moi i a) b) c) d)
thi sinh chon dung hodc sai

& Bai 1. C6 hai hop ciing chita cac qua cau. Hop thit nhat c6 5 qua cau do, 7 qua cau xanh. Hop
thit 2 c6 4 qua cau dd, 6 qua cau xanh. Tt moéi hop 1ay ra ngau nhién 1 qua cau.

Z 2 by Z zZ 5
a) Xac suat dé qué cau lay ra tit hop tha nhat c¢6 mau do 1a I3

b) Xéc suat dé hai qua cau lay ra cing mau do la c

L s < s . 13
c¢) Xéc suat de 2 qua cau lay ra c6 it nhat 1 quéd mau dé la 20"

L an sz 31
d) Xéc suat de 2 qua cau lay ra cing mau la 50"

(&) Haog (z/(f)ijzké,zf. a) Dang.
Hop thit nhat c6 tong cong 5 + 7 = 12 qua cau. S6 qua cau do 1a 5.
L R . 5
Xac suat lay duge qua cau dé tur hop thit nhat 1a P = Iz
b) Sai.
2 £ A 2 X 2 N ~ - A N 5
Xac suat lay duge qua cau do tir hop thi nhat la P, = TR

Hop thit hai c6 tong cong 4 4+ 6 = 10 qua cau.

L. oz N 4 2
Xac suat lay duge qua cau dé tir hop thit hai la P, = =5
Vi vige lay cau tit hai hop la doc 1ap nén xédc suat 2 qua cing mau d6 1a Py, 45 = P1 - P, =
5.2 1,2
12 5 675
c) Piang
I . 7
Xac suat lay duge qua cau xanh tit hop 1 1a 3
z A A 2 X N ~ < 6 3
Xac suat lay duge qua cau xanh tit hop 2 1a =5
X4c suat 2 qua cau lay ra ct au xanh 1a P, [
u ua cau ra cling mau xan anh, xanh = —= * = = —.
4 Y & boxanh =70 75 T 20
Bién c6 "c6 it nhat 1 qua mau dé" 1a bién c6 déi ciia bién cb "ca 2 qui cting mau xanh".
P 7 13
Vay x4 at can tim la: P =1 — Panh yanh = 1 — — = —.
ay xac suat can tim la b, xanh 50 = 20

d) Dang.

Hai qua cuing mau khi ca hai cing mau dé hoac ca hai ciing mau xanh.
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X4c suat lay ra 2 qua ciing mau la:
1 7 10 21 31

P. =P ann xanh — & 90 an a0 60"
cung mau dO, dé + h7 h 6 20 60 + 60 60

& Bai 2. Cho ham s6 y = —2® + 322 + 1 ¢6 do thi la (O).
a) y = —32% + 6.
b) Hé s6 goc clia tiép tuyén ctia (C) tai diem M(1;3) bang —3.
c)y’ = 6x+6.

d) Phuong trinh tiép tuyén ctia (C) tai Mo(wo; o) v6i 0 < 2o < 2 1a giao diém (C) véi dusng
thing d : y = 2 + 1 ¢6 dang y = ax + b. Khi d6 20a + b = 60.

o Huo‘ﬁ affffijz'd,zf, a) Dang.
Dao ham ctia ham s6 1a ¢/ = (—2® + 32% + 1) = —32% + 6z.
b) Sai.
He s6 goc clia tiép tuyén tai diém c6 hoanh do z = 1 1a gia tri ctia dao ham tai diém doé:
k=y/(1) = —3(1)2 + 6(1) = 3. Gia tri nay khac —3.
¢) Sai.
Dao ham céap hai ctia ham s6 1a y” = (—32% + 6x)' = —6z + 6 # 6z + 6.
d) Ding.
Xét phuong trinh hoanh do giao diém ctia do thi (C) va dudng thang d:

x =0
—? 437+ 1l=2r+1¢ 2’ +32°-2r=0& —2(2*-32+2)=0& |z =1
T =2

Theo diéu kien dé bai 0 < zy < 2, ta chon dude hoanh do tiép diém la zy = 1.
Véi 29 = 1 = yo = 3. Tiép diém 1a My(1;3).

Hé s6 goc ctia tiép tuyén tai My la a = /(o) = ¢/(1) = 3.

Phuong trinh tiép tuyén tai My(1;3) la:

y=3x—-1)4+3<y=32x+0
D6i chiéu véi dang y = ax + b, ta c6 a = 3 va b = 0.
Khi doé: 20a + b =20-3 4+ 0 = 60.
Phan III. Cau tra 16i ngan Thi sinh trd loi ti cauw 1 dén cau 4.

3
& Bai 1. Cho ham s6 y = % + 222 — 3z + 5, biét ¢ = az? + bz + ¢. Tinh 2a + 3b + 100c.

[ Hmfy f/(f/é/fzfézf. Ta c6 dao ham ctia ham so la:
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3 /
y = (%+2x2—3x+5) = 2% + 42 - 3.

Dong nhat thiic vé6i biéu thitc 3 = ax? 4 bx + ¢, ta suy ra cac heé so:
a=1b=4,c=—-3.
Gi4 tri ctia biéu thic can tinh la:

2 + 3b + 100c = 2(1) + 3(4) + 100(—3) = 2 + 12 — 300 = —286.

& Bai 2. Mot qua bong duge tha roi tu do tir dai quan sat trén san thugng cta toa nha cao 313,6
m xudng mit dat, véi phuong trinh chuyén dong s(t) = 4,9t2. Tinh van tdc ctia qua béng khi n6
cham dat, b6 qua stic can khong khi. (Don vi m/s).

[} /‘[zm‘g din oiéi. Khi qua béng cham dét, quang dudng quéa bong di duge 1a s(t) = 313,6 m.

Thoi gian roi cua qua béng la:

49t =3136 < t? =64 =t =8 (s) (vit > 0).

Van tbc tic thoi ctia qua bong tai thoi diém t 1a dao ham clia quang dudng theo thoi gian:

v(t) = §'(t) = (4,9t%) = 9,8t
Van tbc clia qua bong khi cham dat (tai t = 8 s) la:

v(8) =9,8-8 =784 (m/s).

& Bai 3. Mot nhém hoc sinh gom 7 nam va 6 nit. Chon ra ngau nhién 5 ban. Tinh xac suat dé 5
ban dugc chon c¢6 cd nam va nit trong d6 nam it hon nit. (Két qua lam tron dén hang phan tram).

(2} Huo‘g z/(?‘/z(jz'dzf. S6 cach chon ngau nhién 5 ban tir 13 ban hoc sinh 1a: n(Q) = C7; = 1287.

Goi A 1a bién c¢6 chon dude 5 ban ¢6 cd nam va nit, trong d6 nam it hon nit. Cac trudng hop
théa man yéu cau la:

& Trudng hop 1: Chon 1 nam va 4 nit. S6 cach chon la: Cl- C¢ =715 = 105.

& Trudng hop 2: Chon 2 nam va 3 nit. S6 cach chon 1a: C% - C} = 21 - 20 = 420.
S6 két qua thuan 1¢i cho bién ¢6 A la: n(A) = 105 + 420 = 525.

X4c suat clia bién c6 A la:

n(A) 525

P(A) = —= = —— = 0,4079.
A= 2@ ~ 1287 = 40T

Lam tron dén hang phan tram, ta duge P(A) ~ 0,41.
& Bai 4. Tim s6 nghiém nguyén ctia bat phuong trinh log;(z — 1) < 8.
N lucong (/a*/éjzd,zi, Diéu kien xac dinh: 2 — 1> 0 <z > 1.

Bat phuong trinh tuong duong véi:

r—1<3®<ox—1<6561 <z < 6562.
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Két hop véi diéu kién, ta c6 tap nghiém ctia bat phuong trinh 1a: 1 < 2 < 6562.
Vi z 1a s6 nguyen nén x € {2;3;4;...;6561}.
S6 nghiém nguyeén la: 6561 — 2 + 1 = 6560.
Phan IV. Ty luan Thi sinh trd 15i ti cau 1 dén cau 8. Thi sinh trinh bay loi gidi chi tiét

& Bai 1. a) Tinh dao ham ctia ham s6 y = 2* + 223 — \/z — 2025.

b) Cho ham s6 y = T 5 c6 do thi (C). Viét phuong trinh tiép tuyén ctia do thi (C) tai tiép
x —_

diém M (1;-3).

o u0/(17 (/(5/127[(5 Z.

1
a) y = (z* + 22° — /o — 2025)" = 423 + 622 — NG

b) f(g;)zzf;, TXD: D =R\ {2},
(1) = —4 / _
Fio) = g = =4

Do dé phuong trinh tiép tuyén ctia do thi (C) tai diem M la:
y=f'(1)(x —1) =3 hay y = —4x + 1.

& Bai 2. Mot cuoc thi khoa hoc c6 36 bo cau héi, trong d6 c6 20 bo cau héi vé chit dé ty nhién
va 16 bo cau hoi ve chi dé xa hoi. Ban An lay ngau nhién 1 bo cau héi (1ay khong hoan lai), sau
d6 ban Binh lay ngdu nhién 1 bo cau héi. Tinh x4c suat dé ban Binh lay dudc bo cau héi vé chii
dé tu nhien.

[} Ha’éy dén oidi.

C

Ta c6 n(Q) = CiCas = 1260.

Goi A 1a bién c6 “ban Binh lay duge bo cau hoi vé chi dé ty nhien”.
TH1: An lay dugde bo tir nhién, Binh lay duge bo tu nhién

= (03,C]y = 380 (cach)

TH2: An lay bo xa hoi, Binh 1ay bo tit nhién

= (]C3y = 320 (cach)

& Bai 3. Cho hinh chép S.ABCD c6 day ABC'D la hinh vudng canh 2a, canh bén S A vudng goc
v6i mit phing (ABCD) va SA = av/2. Goi M 1a trung diém ctia canh BC.

(1) Ching minh: (SAB) L (SBC).
@ Tinh khoang cach giita hai dudng thang SB va DM.
e ucong f/dlijszzz,
a) Ching minh: (SAB) L (SBC).
Ta c6 BC L AB (1) (vi ABCD la hinh vuong)
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BC 1L SA (2) (vi SA L (ABCD))

(1),(2)= BC L (SAB)

= (SBC) L (SAB) (Diéu can chiing minh).

b) Tinh khoang cach giita hai dudng thing SB va DM.

Goi N la trung diém ctia AD. Ta c6 DM //BN = DM //(SBN).
Do d6 d(DM, SB) = d(DM, (SBN)) = d(M, (SBN)).

Goi I la giao diém ctia BN va AM.

Khi d6 I 1a trung diém AM = d(M, (SBN)) = d(A, (SBN)).

Ké AK | BN va AH 1L SK.

Ching minh duge AH L (SBN) = d(A,(SBN)) = AH.

g ] 1,1 5
a CoO = = —
AK?  AB? ' BN? 442
1 1 1 7 2a\/7
— = L AH = .
Swra s = ARk T A da 7
2a\/7

Vay d(DM, SB) =

7
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 4 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢S Cau 1. Véi a 1a s6 thuc duong tuy ¥, a* - az bang

@) as. a’. © az. D) a®.

4+

[
N

= az.

[ Huo‘n(j a/(z/ijzm Tacéa* a2 =a

$© Cau 2. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vuéng tam O, SA L (ABCD). Géc
nhi dién [A; BD; S| la goc

@) SOA. SBA. © SCA. ©) SDA.
o Hoeong f/gfn(, giéi. Vi SA L (ABCD) nen SA L BD. Mat khic AC' L BD tai O (hinh vuong).

Suy ra BD 1 (SAO) = BD 1 SO. Goéc nhi dién [A; BD; S] chinh la goc gitta AO va SO, tic la
goc SOA.

$> Cau 3. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi, SA L (ABCD). Mit phang nao
sau day vuong géc véi mat phang (SAC)?

@A) (SAB). (SBD). © (SAD). D) (SBC).
[} /’/u‘o/‘/;; (z/(f/é/cz'(f,z'. bay ABCD la hinh thoi nén BD 1 AC. Ma SA 1 (ABCD) = SA 1 BD.
C
Do d6 BD L (SAC). Vi BD C (SBD) nén (SBD) L (SAC).

$> Cau 4. Cho hinh chép S.ABC c6 SA L (ABC). Géc gita dudng thang SC va mat phang
(ABC) la gbc nao sau day?

@ SCA. SAC. © BCA. ® CSA.
(2 H“‘Oy dién gigi. Hinh chiéu vuong goc ciia SC len (ABC) la AC. Vay goc can tim la SCA.
¢ Cau 5. Cho log, b = 2;log, ¢ = 3. Tinh Q = log, (b3c).

@ Q=4 ® Q=09. © Q = 10. ® Q = 12.
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[ Hmfy din giéi, Q = log, b + log, ¢ = 3log, b+ log, c = 3(2) + 3= 9.
C

¢ Cau 6. Tap xéac dinh ctia ham s6 y = logs = 1a

@) [5;+00). [0; +00). ©) (5;+400). D) (0;4+00).

[} Hm)ﬁ c/(glyzf(izi. Ham s6 logarit xac dinh khi biéu thitc dusi dau logarit duong, tic 1a z > 0.

¢ Cau 7. Cho hinh lap phuong ABCD.A'B'C'D’. Doan vuong géc chung clia hai dudng thang
AA va B'C' 1a

' SEEERES -4 D

B’ C’

@ CD. A'B. © AD. ©) AB.
o Hecong c/zz;z(/m'(zz; Ta c6 A'B' 1 AA' (do AA’ vuong goc véi day) va A'B' L B'C’ (do déy la
hinh vuong). Vay A’B’ la doan vudng goc chung.
$> Cau 8. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong tam O, SA L (ABCD). Hinh
chiéu ctia D lén mat phang (SAC) la diém nao sau day?

@) C. A. © S. D) O.
e ucong a/@yzfzzz Ta c6 DO L AC va DO L SA. Suy ra DO L (SAC). Vay hinh chiéu 1a O.

¢ Cau 9. Tim dao ham ctia ham s6 y = z7.

@) y' = 7" y = 627, © y = ab. D) y' = 725

n—1

[} Ham{y a/rf)éj[a’[. Ap dung cong thic (z") =n -

$> Cau 10. Cho hinh chép S.ABC c6 day ABC' la tam giac vuong tai B, SA L (ABC). Khiang
dinh nao sau day sai?

@) (SAB) L (ABC). (SAC) L (ABC).
© (SBC) L (ABC). © (SBC) L (SAB).

o Haoiy aé&y&z’zl (SBC) L (ABC) la sai vi goc gitta ching 1la SBA < 90°.

¢ Cau 11. Cho hinh lap phuong ABCD.A’B'C'D’. Duong thang nao sau day vuong géc véi
duong thang A’'C’?
A/ B/

D’ C’
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@ A'D. AC. © BD. ©) CD.

[ Haozy (/(z’/yzkézi. Vi A'C" L B'D' (hai duong chéo hinh vuong) va BD//B'D' néen BD L A'C'.

¢ Cau 12. Nghiém ctia phuong trinh 2271 = 8 1a

@A) z=3. ® = =4. © z=1. D) x =2.
O uong a/a‘véfz[zzi. 21 =B s 1=3=1=4
Phan II. Cau tric nghiém diang sai Thi sinh trd 10i t cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai
& Bai 1. Cho ham s6 f(z) = 2% — 2z ¢6 do thi (C).
a) He s6 goc clia tiép tuyén véi (C) tai diem c6 hoanh do xg 1a k = f'(z).
b) f'(x) = 3z* — 2.
c) f'(2) = 14.
d) Phuong trinh tiép tuyén ciia (C) tai diem M(2;4) 1a y = 10x + 16.
[} HUOélj c/&yzfdzf.
a) Theo ¥ nghia hinh hoc ctia dao ham, hé s6 goc ctia tiép tuyén tai diém c6 hoanh do zg 1a
k = f'(x9). Day 1a khang dinh Diing.
b) Tacé f/(x) = (2* — 22) = 32% — 2. Day la khang dinh Duing.
¢) Thay = = 2 vao dao ham: f'(2) = 3(2)2 — 2 = 12 — 2 = 10 # 14. Day la khang dinh Sai.
d) Kiém tra diem M (2;4): f(2) = 2% —2(2) =4, vay M € (O).
He s6 goc tiép tuyén tai M la k = f'(2) = 10.
Phuong trinh tiép tuyén: y — 4 = 10(z — 2) & y = 102 — 16. Khang dinh ghi y = 10z + 16
la Sai.
& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh ch nhat c6 canh AB = a, AD = 3a,
biét SA L (ABCD) va SA = 4a. Lic d6:
a) (SC,(ABCD)) = SCA.
b) (SAC) L (SBD).
c) (SAB) L (SBC).
)

d) Vsapep = 4a®.
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[} Ha’éy dén oidi.

C

a) Vi SA L (ABCD) nén A la hinh chiéu cia S len day.
Do d6 AC la hinh chibu ciia SC len (ABCD).
Suy ra (SC, (ABCD)) = (SC, AC) = SCA.
Khéng dinh Piing,.
b) SA L BD. Néu (SAC) L (SBD) thi BD L (SAC) = BD L AC.

Tuy nhién, ABCD la hinh chit nhat c6 AB # AD (a # 3a) nén hai dudng chéo khong vuong
goc.

Khing dinh Sai.
c) Ta c6 BC L AB (déay la hinh ch nhat) va BC' L SA (do SA L (ABCD)).
Suy ra BC 1 (SAB). Ma BC C (SBC), nén (SBC) L (SAB). Khang dinh Dung.
d) Thé tich khoi chop 1a: V = $Sapep - SA = 3(AB- AD) - SA = 3(a- 3a) - 4a = 4d®.
Khéng dinh DPing,.

1
3

Phan III. Cau tra 15i ngan Thi sinh trd i tic cau 1 dén cau 4.

& Bai 1. Cho hinh chép S.ABC c6 ddy ABC' la tam giac déu c¢6 canh a, SA L (ABC) va SA = 3a.
Goi a 1a goc gita dudng thang SC va mat phang (ABC). Tinh tan a.

[} /‘[u‘()/‘ﬁ a/(flifz'd,zf,

B
Vi SA 1 (ABC) nén hinh chiéu ctia S trén mit phang (ABC) 1a A.
Do dé, goc gitta dudng thang SC va mat phang (ABC) 1a goc gitta SC va AC, hay a = SCA.

SA _ 3a _ g

Trong tam giac vuong SAC, ta c6: tana = 55 = =
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& Bai 2. Cho ham s6 f(x) = 22=2 ¢6 d6 thi (C). Tinh he s6 goc clia tiép tuyén véi (C) tai diem
¢6 hoanh do xy = —2.

[ Huogzj (/{5)1(,7[(2[. Tap xac dinh: D =R\ {—1}.

Dao ham ciia ham s6: f/(x) = 3(“81152“’“2) = 396(*3;13)2*2 = (xfl)2'
He s6 gbc clia tiép tuyén tai zop = —2 la: k= f/(=2) = (_zil)Q = (_51)2 = b.

& Bai 3. Cho hinh chép S.ABC ¢6 day ABC' 1a tam giac vuong tai B, SA 1L (ABC), AB =4, va
SA = 5. Tinh khodng cach tit diém A dén mat phang (SBC). (Lam tron két qua dén hang phan
tram).

[ /Z{u‘o/‘igf a,/rfn,/ LGl

BC L AB (do AABC vuong tai B
Ta c6: { (do vuong tal B) - pe | (94B).

BC 1 SA (do SA L (ABC))
Trong mat phang (SAB), ké AH 1 SB tai H.
Vi BC 1 (SAB) va AH C (SAB) nén BC' L AH.

AH 1 BC
Vay khoang cach tit diém A dén mit phing (SBC) chinh la doan AH.
Xét tam giac SAB vuong tai A, duong cao AH, ta co:

AH 1 SB
Tit dé: = AH 1 (SBC).

11 N 1 _1+1_1+1_41
AH? SA?2  AB2 52 42 25 16 400
4 2
= AH = ﬂ:—0z3,1234...

A1 i

Lam tron két qua dén hang phan tram, ta duge: d(A4, (SBC)) = 3,12.

& Bai 4. Mot khoi gé dang hinh chép ti gidc deu S.ABCD c6 canh day 6em, canh bén tao véi
mit day mot goc a véi tan o = /2. Ngudi tho cit khéi chép béi mot miit phing song song véi day
va qua trung diém mot canh bén dé duge mot hinh chop S.A’B'C'D’ va mot hinh chép cut déu
ABCD.A'B'C'D'. Goi V; 1a thé tich ctia khéi chop S.A’B'C'D’ va Vs 1a thé tich khéi chop cut déu

LV .
ABCD.A'B'C'D'. Biét o = % véi a,b € Z va % I3 phan s6 ti gidgn. Tinh T = 2a + 3b.
2
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[} Hmfy dén oidi.

C

Vi mat phing cét di qua trung diém ctia mot canh bén va song song véi day nén né sé di qua trung
diém ctia tit cd cac canh bén con lai.

. R ) PN SA" 1
Khi do, khoi chép S.A’B'C' D" dong dang v6i khoi chop S.ABC D theo ti s6 dong dang k = A= 3
Goi V la thé tich khéi chép S.ABCD. Theo tinh chat ti sé thé tich ctia hai khéi chép dong dang,

ta co:
V1_<SA’>3_<1)3_1 1
v \sa) =\g) —g7 V=3V

Thé tich khéi chép cut ABCD.A’B'C' D’ 1a phan con lai cia khéi chép 16n sau khi cat di khoi chop
nho:

1 7
Vo=V -Vi=V = V=2V
Ti s6 giita theé tich khéi chép nhoé Vi va khéi chop cut Vo la:
Vi_gV_1
V, LV

Theo gia thiét % = % v6i % toi gidn, tasuyraa=1vab=T.
Gi4 tri cia biéu thic T 1a:
T =2a+3b=2(1)+ 3(7) = 23.
Phan IV. Ty luan Thi sinh trd 15i ti caw 1 dén cau 8. Thi sinh trinh bay loi gidi chi tiét

& Bai 1. Mot chat diém chuyén dong theo phuong trinh s(t) = 3 — 4t2 + 6t + 1 trong d6 ¢t > 0
v6i t tinh bang giay (s), s(t) tinh bang mét (m). Tim gia toc tiic thoi clia chat diém tai thai diém
t=2(s).

() Haoiy cz/(z’/é/cz'(z’,,z'. Van tbc ctia chat diém la dao ham bac nhat clia quang duong:
v(t) =s'(t) =3t> — 8t +6
Gia téc ciia chat didm 1a dao ham bac nhat cta van toc:
a(t) =7'(t) =s"(t) = 6t — 8
Gia toc tiic thoi cia chat diém tai thoi diém t = 2(s) la:
a(2) =6-2 -8 =14 (m/s%).
Vay gia toc tiic thoi tai ¢ = 25 1a 4 m/s”.
& Bai 2. Cho hinh lang tru ding ABC.A'B'C’ ¢6 AB = 13, AC = 14, BC = 15. Goi H la hinh

chiéu vuong goéc ctia A len BC.
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a) Chiung minh (A’AH) L (BCC'B’).
b) Tinh khodng cach giita hai duong thing AA’ va BC.

[} /‘[mf/(y 5/(512717(21,'.

a) Ta c6: AA' L (ABC) = AA" L BC.
Ma AH | BC (gia thiét). Suy ra BC' 1 (A'AH).
Do BC C (BOC'B') nén (A'AH) L (BCC'B').
b) Vi AA'//BB' nén AA’//(BCC'B’).
Do d6 d(AA', BC) = d(AA', (BCC'B’")) = d(A, (BCC'B")).
Vi AH L BC va AH L BB nen AH L (BCC'B').
Suy ra d(A, (BCC'B’)) = AH.
Xét tam giac ABC', nita chu vi p = % = 21.
Dien tich Supc = /21(21 — 13)(21 — 14)(21 — 15) = 84,
Mt khac Sapc = 3AH - BC = AH = 28 =112,
Vay d(AA’, BC) = 11,2.

& Bai 3. Cho ham s6 y = f(z) ¢6 dao ham trén R va f'(5) = 3. Tinh dao ham ciia ham s6
g(x) = f(32% + 2) tai diém z = 1.

[} Hmfg c/d/ijzfdzf, Ta ¢6 ¢'(z) = [f(322 + 2)] = f'(3a2 + 2) - (32* + 2)) = 6z - f'(32* + 2).

Tai z = 1:
J(1)=6-1-f(3-1"+2)=6-f(5)
Thay f'(5) = 3 vao ta dugc:
J(1)=6-3=18.
Vay ¢'(1) = 18.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 5 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat va SA L (ABCD). Mt
phang (SBC) vudng géc véi mit phang nao sau day?
S

) (ABCD). (SBD). © (SAC). (D) (SAB).
e ucong c/dlijzf(zzf.

Ta c6 BC L AB (do ABCD la hinh chit nhat) va BC' L SA (do SA L (ABCD)).

Suy ra BC' L (SAB).

Ma BC C (SBC), do d6 (SBC) L (SAB).

Chon dap an D.

¢S Cau 2. Trong mot cudce thi ban sing, x4c suat ban tring muc tiéu trong méi lugt ban ciia An
va Binh lan lugt 1a 0,6 va 0, 3. Gia st viec ban tring muc tiéu cia An va Binh 1& hoan toan doc
lap, tinh x4c suat dé cd An va Binh cting ban trang muc tiéu trong 1 luot ban.

@) 0,9. 0,5. © 0,2. D) 0,18.
[ Haazy z/(?)z(,jzfézf. Vi viéc ban tring ctia An va Binh la doc lap nén xac suat dé ca hai cling
trang la:

P=0,6x0,3=0,18.

Chon dap an D.

¢ Cau 3. Ham s6 nao trong cac ham s6 sau day 13 ham s6 mii?
3
@y:; B y = 3" © y =23 (D) y = 3.
(&) Ha‘o‘igﬁ c/a‘”/%z'fézf, Ham s6 mil ¢6 dang y = a® véi a > 0,a # 1. Vay y = 3% 1a ham s6 mil.

Chon dap an B.
¢S Cau 4. Cho hinh lang tru tam giac ABC.A'B'C" ¢6 (ABB'A’) vudng géc v6i hai mit day. Hinh
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chiéu ctia A’B’ len (ABC) 1a duong thang nao sau day?
C
A ﬂ\ B

O/

A B’

@ BC. AB. © AB. ©) AC.
[} Hz/(r/ézj a/(m(jzaz

Do mit bén (ABB'A’) vuong goc véi day (ABC) nén hinh chiéu clia moi diém nim trong mét
phéng nay lén day déu nim trén giao tuyén AB. Vay hinh chiéu ctia A’B’ 1a AB.

Chon dap an B.

, P P 1 1 1
¢S Cau 5. Cho hai bién ¢6 A, B biét P(A) = Z’P<B) = E,P(AB) = g Tinh P(AU B).
5 13
@ P(AUB) = o ® P(AUB) = .
5 7
N 1 1 1 6+4-3 7
[} no dan olél. 4 = — — 4 _ = -
Hmfy a/(z/z( giai. Ta c6 P(AUB) = P(A)+ P(B) — P(AB) 1 + 573 54 51

Chon dap an D.
$> Cau 6. Tt mot hop gom 13 qua cau, trong dé c6 8 qua mau trang va 5 qua mau den. Lay ngau
nhién dong thoi 2 qua cau tit hop. Tinh xéac suat lay dugc 2 qua cau cting mau.
3 20 19 70
13’ 39° 39° 1521°
(2} Hwo‘/(y c/d/ijzfdzf. S6 cach chon 2 qua bat ki: C% = 78.

S6 cach chon 2 qua cing mau: Cz + C2 = 28 + 10 = 38.
19
78 39
Chon dap an C.
$O Cau 7. Néu cap bién cd6 A va B doc lap thi
(A) P(AB) = P(A) + P(B). P(AB) = P(A) — P(B).
(©) P(AB) = P(A).P(B). (D) P(AB) # P(A).P(B).
[ Huoéy a/(z“/é 71’(2[. Theo dinh nghia, hai bién c¢d doc lap khi x4c suat tich bang tich cac xac suat.
Chon dap an C.

Xac suat: P =

¢ Cau 8. Cho ham s6 y = f(z) xac dinh trén R va lim, M = 3. Gia tri cua f'(0)

bang

@ o. ®) 3. © 1. ©) 2.
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f(z) = f(0)

= 3.
z—0

e lucong (/avz_jz(z(; Theo dinh nghia dao ham tai z = 0: f'(0) = lim,_0

Chon dap an B.

¢S Cau 9. Cho A va B 1a hai bién c¢b. Bién c6: "A hodc B xay ra" 1a bién ¢6 nao sau day?
(A) AU B. B) AB. © AB. D) AUB.

[ Huozy (1’(5)%zk£,zl. Bién c6 "A hoac B xdy ra" la bién c6 hgp, ki hieu AU B.
Chon dap an A.

$> Cau 10. Cho ham s6 y = f(z) c6 dd thi (C). Phuong trinh tiép tuyén ctia (C) tai diém c6
hoanh do x = zg c¢6 heé s6 goc k bang

@A) k= —x. k= f'(xo). © k = x. D) k = f(xo).
[ Hac)y (242)2(,?1,'(21,'. Hé s6 goc clia tiép tuyén tai diem c6 hoanh do xg la gia tri dao ham tai diém
do.

Chon dap an B.

¢ Cau 11. Cho hinh hop chit nhat ABCD.A,B,C,D;. Cap dusng thang nao sau day vuoéng goc
v6i nhau?

Al Dl
B/ @
A
/! D
B c
@ CD va BlDl- AB va AlCl.
@ AD va AlBl. @ AC va A1C'1.

[} Haozy (/(5)71%212.
Vi ddy ABCD la hinh chit nhat nen AD 1. AB. Ma AB//A;B; nén AD 1 A, B.
Chon dap an C.

$> Cau 12. Logarit co s6 5 ctia 9 dude ki hieu la
5) 9
@) logg 5. log; 9. © log(g). (D) log(g).
[ Hmffy [/(2?12}1,'(21,'. Theo dinh nghia, logarit co s6 a cia b ki higu 1a log, b. Vay la log; 9.

Chon dap an B.

Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon diung hodc sai
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& Bai 1. Cho hinh chép tam giac déu S.ABC va G la trong tam tam giac ABC.
S,

a) SG vuong goc v6i mat phang (ABC).
b) Goéc gitta SA va (ABC) bing SAB.
c) SMA la mot goc phang ctia géc nhi dién [S, BC, A], trong d6 M 1a trung diém BC.
d) Khoang cach tit S dén mit phang (ABC) bing do dai doan thang SG.
e /luong f/avijzf(zz;

Dura vao tinh chat ctia hinh chép tam giac déu S.ABC, ta co:

¢ a) Duang: Hinh ch6p déu c¢6 hinh chiéu ctia dinh trung véi tam ddy. Do d6 SG L (ABC).

® b) Sai: Vi SG L (ABC) nén AG la hinh chiéu ctiia SA len (ABC). Vay goc gitta SA va
(ABC) la goc SAG.

® ¢) Dung: Vi AM L BC (trung tuyén A déu) va SM L BC (trung tuyén A can SBC) nén
SM A la goc phiang ctia goc nhi dien [S, BC, A].

¢ d) Dang: Khoang cach tit dinh dén mat day ctia hinh chép déu chinh 13 do dai doan thang
no6i dinh va tam day SG.
& Bai 2. Mot vat chuyén dong xac dinh béi phuong trinh s(t) = —t2 + 6t + 9, trong d6 ¢ tinh
bang giay va s tinh bang mét.
a) Van toc titc thoi cia vat tai thoi diém ¢t > 0 1a: v(t) = s'(t) m/s.
b) Van toc tiic thoi ciia vat tai thoi diém ¢ > 0 bang: v(t) = —2t +9 m/s.
c¢) Van toc tiic thoi clia vat tai thoi diém ¢ = 2 giay bang 5 m/s.
d) Vat dung lai sau khi di duge 3 giay.
[ Ha(yy a/a‘”/éjz'd,zf. Xét phuong trinh quang duong s(t) = —t2 + 6t +9 (¢t > 0):
©® a) Dung: Theo dinh nghia, van toc tic thoi v(t) 1a dao ham clia quang dudng theo thoi
gian: v(t) = s'(t).
& b) Sai: Ta c6 v(t) = §'(t) = (—t* + 6t +9) = —2t + 6 m/s.
& ¢) Sai: Tai thoi diém ¢ = 2, van téc clia vat 1a v(2) = —2(2) +6 = 2 m/s.
& d) Dang: Vat dung lai khi v(t) =0« =2t +6 =0 < ¢t = 3 giay.
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Phan III. Cau tra 15i ngan Thi sinh trd loi tic cau 1 dén cau 4.

& Bai 1. Cong thic h = —19,4 - log P% la m6 hinh don gian cho phép tinh do cao h so v6i mit
nudc bién ctia mot vi tri trong khong trung (tinh bang kilomét) theo ap suat khong khi P tai diém
dé va ap suat P, ctia khong khi tai mit nuée bién (ciing tinh bing Pa - don vi 4p suét, doc la
Pascal). Ap sudt khong khi tai dinh ctia ngon nti A bing % lan ap suat khong khi tai dinh cta
ngon nti B. Do chénh léch do cao gitta hai ngon nii 1a bao nhieu kilomét? (Lam tron két qua dén
hang phan muoi.)

[ Huoélj dién 71’(21,'. Goi Py, Pg lan lugt 13 ap suat khong khi tai dinh nti A va ndi B. Theo dé
C
bai, ta c6 Py = £ Pp.
D0 cao ctia nii A la: hy = —19,4 - log %‘.
D6 cao ctia nii B la: hg = —19,4 - log Z—ﬁ.

D6 chénh léch do cao gitta hai ngon nui la:

Py ( PB>
—19,4-log — — | —19,4 - log —

Py
=(—19,4-1 <—)
‘ o\ Py ‘
Thay ]Iz—; = % =0, 8 vao biéu thic, ta dugc:
Ah=1]-19,4-10g(0,8)] ~ | — 19,4 - (—0,0969)| ~ 1,879 (km)

Ah = |hy — hp| =

Py PB)
Ah =1-19,4 (1 — —log —
‘ 9, og 2) og )

Lam tron két qua dén hang phan mudi, ta duge 1,9 km.

& Bai 2. Cho hinh chép S.ABC' ¢6 day la tam giac vuong tai B, canh bén SA vuong géc v6i mat
phang (ABC), SA = AB = a, BC = a\/2. Goi a la géc gitta canh SB va mit phing (SAC). Tinh
sina? (Lam tron két qua dén hang phan tram)

o uozzy (/(E/z,;jzfdzﬁ.

Ké BH L AC tai H. Vi SA L (ABC) nen SA L BH.
Suy ra BH 1 (SAC), do d6 H la hinh chiéu vuong géc ctia B lén mat phang (SAC).

Géc gitta dudng thang SB va mit phang (SAC) la goc gita SB va hinh chiéu SH, tic la
/BSH = «.
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Xét tam gidc vuong ABC tai B: AC = /AB? + BC? = +\/a® + (aV/2)? = a/3.

N _ AB-BC __ aaV2 _ a6
Dudng cao BH = =57~ = pov i

Xét tam giac vuong SAB tai A: SB = V/SA?2 4+ AB? = Va? + a2 = aV/?2.
Trong tam giac vuong SBH (vuong tai H):
. BH
sina = = —

SB a2

& Bai 3. Cho ham s6 y = sin 2z — v/4x + 5. Biét ¥/ = a - cos 2z + \/ﬁ v6i a, b 1a cac sb6 nguyen.
Tinh a® + b.

~ 0,58

“+
<%

[} Hwofﬁ (/('z‘}yzfdzl Ta tinh dao ham ctia ham sé:

y' = (sin2z)" — (vV4x +5) = 2cos2x — Uz +5)
2v4x +5

, 4
Yy = 20828 — ————= = 2cos2x —

2
2V4x + 5 Vix +5

So sanh véi biéu thitc dé bai cho v’ = a - cos 2z + \/4%%, ta xac dinh dugc: a =2 va b = —2.

Vay a2 4+b=22+(-2)=4—-2=2,

& Bai 4. Cho hinh chép tam gidc S.ABC c6 day ABC la tam giac déu canh 2 cm, canh bén SA
vuong géc déy v SA = 44/3 cm. Tinh thé tich V ciia khéi chop S.ABC.

[} /’/uoéy a’z&y[d[.

Dién tich ddy ABC la tam gidc déu canh 2 cm:

h?.v3  22.3
can4 V3 _ 4\/—:\/§(ch)

Chiéu cao ctia khéi chép 1a SA = 44/3 cm.
Thé tich khéi chép S.ABC la:

Sapc =

1 1 1
V:§'SABC'SA:g‘\/§‘4\/§:§'4'3:4(cm3)

Phan IV. Tu luan Thi sinh tra l0i to cau 1 dén cau 4. Thi sinh trinh bay l0i gidi chi tiét
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& Bai 1. Giai cac phuong trinh va bat phuong trinh sau:
a) log(3z — 2) = 2.

) 2z 2_z48 < 41 396

c)

log z(z — 2) + logy 5(x + 28) = 0.

2
[} Hamj a/all(jlﬁl ) Diéu kien: 3z —2 >0 &z > 3

Phuong trinh tuong duong: 3z — 2 = 10? & 3z = 102 & x = 34 (thda man).
Vay tap nghiém ctia phuong trinh 1a S = {34}.
b) Ta co: 9u?—z+8 < (22)17?& o 9rP—a+8 < 92-6z
Do co s6 2 > 1 nén bat phuong trinh tuong duong:
P —1r4+8<2-6re 2’ +5r+6<0& -3<z< -2
Vay tap nghiém ctia bat phuong trinh 1a S = [-3; —2].
r—2>0

¢) Diéu kién: S x> 2.
r+28>0

Phuong trinh tuong duong: logyi/2 (x —2) 4logy-—1(x +28) = 0 < 2logy(x —2) —logy(x+28) =0

& logy(x — 2)? =logy(z + 28) & (x — 2) =z + 28

x = 8 (théa méan)

sr-dr+d4=0+281 -5r-24=0%&
x = —3 (loai)

Vay tap nghiém ctia phuong trinh 1la S = {8}.

. 20 — 1
& Bai 2. Cho ham s6 y = *
T+ 3

c6 dd thi la (C).

a) Ching minh 3’ > 0 v6i moi © # —3.

b) Viét phuong trinh tiép tuyén véi do thi (C) biét tiép tuyén dé song song véi duong thing
d:y="Tr+9.

e/ lucong c/{i;yzfd[. a) Tap xac dinh D =R\ {—3}.
2r+3)-122-1) 7

(x4 3)2 - (z+3)2
Vi7>0va(x+3)?>0v6imoiz € Dnény >0 véi moi x# —3.

Dao ham: ¢y =

b) Hé s6 goc ctia dudng thang d 1a kg = 7.

Z 2 Z Z 7
Goi M (xzo;yo) 1a tiép diem. Vi tiép tuyén song song véi d nén: y'(xy) = 7 & O =7
Lo
To = —2
(zo+3)3?=1% ° .
Ty = —4

O Voizg=—-2=yyo=—5PTTT: y=7(x +2) —5="Tx+9 (loai vi trung véi d).
S Voiaxg=-4=9yy=9. PTTT: y=7(x +4) +9 = 7z + 37 (théa méan).
Vay phuong trinh tiép tuyén can tim 1a y = Tz + 37.
& Bai 3. Cho hinh choép tit gidc déu S.ABCD c6 tat ca cac canh bing a. Goi M 1 trung diém
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cia CD.

a) Ching minh SM 1 AB.

b) Tinh thé tich khéi chép S.ABCD.

¢) Tinh khodng cich tit A dén mat phang (SBD).
O lucong din gid

a) Tam gidc SC'D déu nén trung tuyén SM 1 CD.
i ABC'D la hinh vuong nén AB//CD.
Suy ra SM L AB (géc gitta hai dudng thang bang 90°).
b) Hinh chép déu nén SO 1 (ABCD). Day la hinh vuong canh a = Sapcp = a?.

a

AC = a2 = OC =

2
5
~ . a\/§ 2 a\/§
Trong ASOC vuong tai O: SO = /SC? — OC? = y/a? — (T) =

? 1 1 2 3v/2
The tich: V = gSABCD -S50 = §a2 : % = a 6\/_

c) Ta c6 AO L BD (tinh chat hinh vuong) va AO L SO (do SO L day).
Suy ra AO L (SBD).

AC B a2

2 2

& Bai 4. Hai mai nha Ia hai hinh chi nhat. Gia st AB = 5,2m; OA = 2,8m; OB = 3,2m. Tinh
s6 do ctia géc nhi dién tao bdi hai nita mit phang tuong ng chita hai mai nha.

Khoang cach d(A, (SBD)) = AO =

» S lir e Bien soan: 4é 1link Xha - 0399653362
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[ Hwéy (/(’5/2/61,'(2[. Goc nhi dién can tim chinh 1a géc ZAOB trong tam gidc OAB.

Ap dung dinh 1y ham s6 cosin trong AOAB:

cos LZAOB =

OA> 4+ OB? — AB> 2,8 4+3,22-52>  7,84+410,24— 27,04

2.0A-0B  2-2,8-3,2 17,92 —0,5.

= LAOB = arccos(—0,5) = 120°.

Vay s6 do goc nhi dién tao béi hai mai nha 1a 120°.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 6 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.
$> Cau 1. Cho hinh chép S.ABCD c6 day la hinh vuéng tam O, SO L (ABCD). Khang dinh
nao sau day SAI?

(A) SA L AB. B) AC 1 BD. (© SO L AD. (D) CD L BC.
o Hmfg f/(?/z(,jzf(ézf, Vi S.ABCD 1a hinh chép déu ¢6 SO L (ABCD) nén céac canh bén SA =
SB=SC=5D.

Mat bén SAB la tam gidc can tai S. Trong tam gidc can SAB, goc ZSAB ludn la goc nhon
(< 90°), do d6 SA khong thé vuong goc véi AB.

Céc khang dinh con lai déu ding dya trén tinh chat hinh vuoéng va dudng thing vuong goc
mat phing.

$> Cau 2. Cho hinh lap phuong ABCD.A’B'C'D'. Mit phing (ABCD) khéng vuong goc véi
mat phing nao dudi day?

A D’
B’ i <
B - e}
@) (AB'C'D). (ABB'A). © (ADD'A). ©) (CBB'C").

[ Haoy (1427271‘0211 Mit phang (ABCD) va (A’B'C'D’) 1a hai mat phang chtia hai ddy ctia hinh
lap phuong nén chiing song song véi nhau, khong vuong goc.
Céc mat phing con lai déu la cac mit bén, vuong goc véi mat day.

¢ Cau 3. Tap nghiém ctia bat phuong trinh log, z < 1 la:
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@ (0;2]. [0;2). © (—o0;0]. © (0; +00).
() Ha(fiy a%&y[d[. Diéu kien: = > 0.
Bat phuong trinh tuong duong: z < 2! & 2 < 2.
Két hgp dieu kien, ta c6 tap nghiem S = (0;2].
$® Cau 4. Phuong trinh nao sau day la phuong trinh ma?
@) In(z — 1) = 2. ®) z? = 3.
© 2% = 3. D) logy(x — 1) = 2.

[ /‘[a’o/‘ﬁ c/a)z siéi. Phuong trinh mii ¢6 dang af®) = b. Trong céc phuong an, chi c6 2% = 3 thda
man dinh nghia nay.
¢ Cau 5. Chon khang dinh ding:

@) (a*) = a®*Ina. (a*) = Ina.

© (a®) = zlna. D) (a*) =Inx.

() /-[uzfg c/a’/iyzf(izi. Theo bang cong thitc dao ham co ban, dao ham ctia ham s6 mil y = a® 1a
Yy =a"Ina.
¢ Cau 6. Chon khang dinh ding trong céc khing dinh dudi day:

@) (sinz) = —cos . (tanz) = — 5.

© (cotz) = . (D) (cos) = —sinz.

o Hwo’/ézy z/({/z(jmz Cong thiic dao ham ctia ham s6 cosin 1a (cosz)’ = —sinz. Céac khang dinh

con lai déu sai dau hodc sai ham sé.

> Cau 7. Chon khiang dinh SAI trong céc khing dinh duéi day:
(A) Hinh lang tru ditng c6 hai ddy 1a hai da giac bing nhau..
Hinh ling tru ding c6 cac mit bén 1a hinh binh hanh..
(C) Hinh lang tru ding c6 cac mit bén vuong goc véi day..
(D) Hinh lang tru ditng c6 céc canh bén vuong géc véi day..

[} Hmfy f/d/éjzfdzf. Chon B

$> Cau 8. Tap nghiém ctia bat phuong trinh 3% < 81 la:
@ (—4;4). (—o0;4). © (4;+00). © (0:4).
o Hecong a/(z,z(/a'(zz, 3* < 81 & 37 < 31 & z < 4. Vay tap nghiem 1a (—oo; 4).
$® Cau 9. Nghiém ctia phuong trinh 3% = 27 la:
@A) z=4. ® = =3. © z=2. D z=1.
O luong a/a‘véfzfzz. F =273 =3P cr=3
> Cau 10. Cho ham s6 f = f(z) va g = g() c6 dao ham tai diém z. Khang dinh nio sau day la
sai?

@ (f-9)=f-4d. (f9) =19

© (f+9)=[+4d" © (L) = Ll
[} me(j a/({/ifzfa’zf. Dao ham ctia mot tich tuan theo quy téc: (f.g) = f'g + fg'. Do d6 khang
dinh (f.g)' = f'.¢' 1a sai.
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$¢> Cau 11. Dao ham clia ham s6 y = % trén cac khoang xac dinh la:

@y = ® y=—z ©y=-3 @y =
[} Hmfgy f/d;yzf(é(ﬁ Ap dung cong thiic dao ham ham phan thie: 1y =-%.
$> Cau 12. Chon khéng dinh SAI trong céc khang dinh duéi day:

@ (nz) =-1. (logy ) = 5.
@ (logs z)" = xﬁm' @ (loggz) = x1}13'

[ Haog (/@7271'(211 Cong thiic dao ham ham logarit ty nhien 1a (Inz)’ = 2. Khang dinh ¢6 dau

tru 1a sai.
Phan II. Cau tric nghiém diang sai Thi sinh trd 10 tic cau 1 dén cau 2. Méi  a) b) c) d)
thi sinh chon ding hodc sai

& Bai 1. Mot chat diém chuyén dong theo phuong trinh s(t) = 3 — 3t2 + 3t — 1 trong d6 ¢ > 0, ¢
tinh bing giay va s(t) tinh biang mét. Xét tinh ding sai ciia cac khang dinh sau:

a) Phuong trinh gia toc titc thoi clia chat diém tai thoi diém ¢ giay c¢6 dang a(t) = 6t + 6.

b) Phuong trinh van toc tic thai clia chat diém tai thoi diém ¢ giay c6 dang v(t) = 3t* — 6t + 3.
c¢) Gia tdc tai thoi diém van toc tiic thoi bing 3 (m/s) 1a 6 (m/s”).

d) Quéng duong chat diém di duge khi van tdc tiic thoi clia chat diém bang 3 (m/s) bang 1 (m).

[} Huozzj (/{zf/pjzfzé,zﬁ. Ta ¢6 phuong trinh quang duong: s(t) = t3 — 3t + 3t — 1.

Van t6c tiic thoi 1a dao ham bac nhét clia quang duong: v(t) = s'(t) = 3t* — 6t + 3.

Gia toc titc thoi 1a dao ham bac nhat ctia van toc (hodc bac hai clia quang duong): a(t) =
v'(t) = 6t — 6.

Xét cac khang dinh:

¢ Khiang dinh a): Sai, vi a(t) = 6t — 6 (khong phai 6t + 6).

¢ Khéng dinh b): Ding, theo két qua tinh toan v(t) = 3t* — 6t + 3.

¢ Khiang dinh ¢): Khi v(t) =3 & 3t =6t +3 =3 & 3t> — 6t = 0 < 3t(t — 2) = 0.
Vit > 0nént =2 (giay).
Gia téc tai t = 2 1a: a(2) = 6(2) — 6 = 6 (m/s°). Khéng dinh nay Ding.

¢ Khang dinh d): Tai thoi diém v(¢) = 3 tng véi t = 2, quang duong di dugc la:
5(2)=22-3-2243.-2—-1=8—-12+6 — 1 =1 (m). Khang dinh nay Ding.

& Bai 2. Cho ham s6 y = f(z) = 2% + 22 — 6. Xét tinh ding sai clia cac khang dinh sau:

a) Phuong trinh tiép tuyén ctia do thi ham s6 y = f(z) tai diém M (zo; f(20)) c6 dang la:
y = ['(zo)(z + z0) — f(0).

b) f'(-3) =8.

c) fl(x) =2x+2.

d) Phuong trinh y = 42 — 7 1a phuong trinh tiép tuyén ctia do thi ham s6 y = 2% + 2z — 6 tai

diém c6 hoanh do bang 1.

[ /—/m)‘ézf a/(uz(jzaz Ham s6 y = f(x) = 2* + 2x — 6.
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bao ham: f'(z) = 2x + 2.
Xét cac khang dinh:
¢ Khang dinh a): Sai, phuong trinh tiép tuyén ding phai c6 dang y = f'(x0)(z — z0) + f(z0).
¢ Khéang dinh b): Ta ¢6 f/(=3) = 2(—3) + 2 = —4 # 8. Khang dinh nay Sai.
& Khang dinh c): Ding, dao ham ctia 22 + 2z — 6 13 22 + 2.
& Khang dinh d): Tai zo = 1, ta co:
- Tung do tiép diem: yo = f(1) =12+ 2(1) — 6 = —3.
- He s6 goc: f/(1) =2(1) +2 = 4.
Phuong trinh tiép tuyén: y = 4(x — 1) + (=3) = 42 — 7. Khang dinh nay Ding.
Phan III. Cau tra 16i ngan Thi sinh trd loi to cau 1 dén cau 3.
& Bai 1. Dé udc luong chiéu cao ctia thap khi khong thé len t6i dinh thap, ngusi ta do goc gitta
tia nang chiéu qua dinh thap va mat dat, do chiéu dai ctia bong thap trén mit dat, tit d6 ude lugng
dudce chiéu cao ctia thap. Gia st khi tia ning tao véi mat dat mot goc 40°, chicu dai ctia bong thap
1a 114m. Tinh chiéu cao ctia thap theo don vi mét (Iam tron két qua dén hang phan mudi).
[} Hmfﬁ z/{z’/ztjz'(z’,zf, Goi h 1a chiéu cao ctia thap va L = 114m 1a chiéu dai béng thap trén mit
dat.
Goc tao bdi tia nang va mat dat 1a o = 40°.

Trong tam gidc vudng tao baéi thap va bong ctia no, ta co:

h
tan o = 7= h=L-tana =114 - tan40° ~ 114 - 0, 8391 ~ 95,657 (m).

Lam tron dén hang phan mudi, ta dugc chiéu cao ciia thap 1a 95, 7m.

& Bai 2. Dao ham ctia ham s6 y = (sinz + 2cosx)(sinz — 2cosz + 1) ¢6 dang asinzcosz +
bcosx + csinz. Khi d6 a + b + ¢ bang bao nhiéu?

[} Huozy (z/(gfijzf(é,zﬁ. Ta khai trién ham sb:

y = (sinx + 2cosz)(sinx — 2cosz) + (sinx + 2cosz) - 1

2p —4cos’x +sinz + 2cos .

= sin
Tinh dao ham 3/
Yy =2sinzcosz —4-2cosz(—sinz) + cosx — 2sinx
= 2sinzcosx 4+ 8sinxcosx + cosz — 2sinx
= 10sinxcosx + 1cosx — 2sin .
D6i chiéu véi dang asinx cosz + bcosx + csinz, ta cé a =10, b =1, c = —2.
Vaya+b+c=10+1+(-2)=9.
& Bai 3. Cho hinh chép tit giac déu S.ABCD c6 canh day 1a 2, canh bén 1a 2v/2. Tinh khoéng
cach giita hai dudng thing AB va SD (lam tron dén hang phan mudi).

N lwonc a/\ olal.
) ()ézf (L/l(jlﬁl

Vi AB//CD nén AB//(SCD), do d6 d(AB,SD) = d(AB,(SCD)) = d(N,(SCD)) v6i N la
trung diém AB.
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Goi M la trung diem C'D, O 1a tam dédy. Ta ¢c6 CD L (SOM) = (SCD) L (SOM).
Trong ASOM, ké NH L SM (véi H € SM). Khi d6 NH = d(N, (SCD)).

Canh déy a = 2, canh bén s = 2v/2.

OC =1AC =122 +22 = /2,

SO = /SC?—0C? = \/(2v/2)? — (V2)? = V6.

OM =1,SM = /SO? +OM? = /6 +1= /7.

Dién tich ASNM (v6i NM = 2): Spsyyr =2 NM-SO=1.2.6= 6.

Mt khac Sasna = & - SM - d(N,SM) = d = %6 — /22 ~ 1,8516.

Lam tron dén hang phan mudi, ta duge 1, 9.
& Bai 4. Dan s6 thanh ph6 Ha Noi nam 2022 khodng 8,4 trieu nguoi. Gia st ti 1é ting dan s6
hang nam ciia Ha Noi khong doi va ti le d6 1a r = 1,04%. Biét rang, sau ¢ nam dan s6 Ha Noi u6c
tinh theo cong thiic: S = Ae™, trong d6 A la dan s6 nam lam moc. Héi sau t6i thiéu bao nhicu
nam (tinh ti nam 2022), dan s6 ciia Ha Noi vugt mite 10 trieu nguoi? (két qua lam tron dén hang
don vi).

o Hecong a./(gnjz(zzi. Theo gia thiét: A = 8,4, r = 1,04% = 0, 0104.
Dé dan s6 vuot mitc 10 triéu ngudi, ta c6 bat phuong trinh:

10
8,4 . P00 10 & 00104 1™ 1,1905.

Lay logarit tir nhién hai vé:

174
0.17435 . 16.76.

10
104t > 1 (—)z 174 t
0,0104¢ > In 5.4 0,17435 =t > 0.0104

Vi t 1 s6 nguyén nam t6i thiéu dé vugt miic, va yéu cau lam tron dén hang don vi, ta thay sau
khodng 17 nam thi dan s6 sé vugt moc 10 trieu ngudi.

Vay sau t6i thiéu 17 nam.
Phan IV. Tu luan Thi sinh trd l0i to cau 1 dén cau 4. Thi sinh trinh bay 100 gidi chi tiét
& Bai 1. Giai cac phuong trinh va bat phuong trinh sau:
a) 7x+1 > 492x+1
b) logy(22? — 3) = 2
[} /‘[wo/’ﬁ [/(Z?Il(jl.ﬁ?l.. a) Ta co:
7x+1 > 492x+1 = 7x+1 > (72)21’+1
PN 7x+1 > 74Z+2
Sr+1>4r+2 (vicosd7>1)
1
<:>—3I>1<:>I<—§.
Vay tap nghiém ctia bat phuong trinh 1a S = (—oo; —%)

b) Diéu kien xdc dinh: 22% —3 > 0 22 > 3 & |2 > L.
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Phuong trinh tuong duong véi:
20° —3=3"22"-3=9
& 27 =12
s 22 =6< 1 ==+V0.
Déi chiéu diéu kien |z| > \/76, ca hai gia tri z = V6 vd = —v/6 déu thoéa man.
Vay tap nghiem ciia phuong trinh 1a S = {—v/6;/6}.

& Bai 2. Tinh dao ham clia cac ham sb sau:

) 3r+1
a =
Y 2z — 4
b) y = sin(5 — 2?)
. ) ’ 1y /
N Hoon din oide, a) Ap dung quy tac dao ham cta thuong <E> _Lv-uy,
7T v 02

, Br+1)(2r—4)— Bz +1)(2z —4)

(2x — 4)?
32z —4) -2z +1)
(2x — 4)?
6r—12—-6z—2 = —14
(22 -4)2 (20 —4)%

b) Ap dung quy tfc dao ham ham hop (sinu) = o’ - cos u:
y = (5 —2?) - cos(5 — x?)
= —2zcos(5 — z?).
& Bai 3. Cho hinh chép S.ABCD c6 ddy ABC'D la hinh vuong canh a va SA L (ABCD).
a) Chtng minh: (SAC) L (SBD,).
b) Tinh s6 do ctia géc nhi dien sau: [C, SA, D).

o l(’()/’él/f z/(f/z(jzfdzf.

a) Ta co:
& BD 1 AC (hai duong chéo ctia hinh vuong ABCD).
® BD 1 SA (vi SA L (ABCD) va BD  (ABCD)).
= BD 1 (SAC) vi BD vuong géc véi hai duong thang cat nhau AC va SA trong (SAC).
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Ma BD C (SBD), do d6 (SBD) L (SAC).
b) Géc nhi dién [C, SA, D] 1a goc gitta hai ntta mat phang (SAC) va (SAD) c6 chung canh SA.
Ta co:
& AC L SA (Vi SA L (ABCD) va AC C (ABCD)).
& AD 1 SA (vi SA L (ABCD) va AD C (ABCD)).
Vay géc phing nhi dién tuong tng 1a goc CAD.
Vi ABCD la hinh vuong nén dudng chéo AC dong thai 1a dudng phan gidc clia goc BAD.
Suy ra CAD = 45°.
Vay s6 do ctia goc nhi dien [C, SA, D] bang 45°.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 7 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Néu log; a = 2 thi logs a® bing

@) 6.. 9.. © 8. )

(&) Hmféz/c z/(?ﬂ(jz’dzﬁ Ta c6: logs a® =3 -logsa =32 =6.

[GVRIN

$> Cau 2. Cho mau sb lieu ghép nhém vé chiéu cao clia 25 cay dita gidng nhu sau:

Chiéu cao (cm) | [0;10) | [10;20) | [20;30) | [30;40) | [40:50)

S6 cay 4 6 7 5 3
Trung vi clia mau so lieu ghép nhém nay 1a
175 165 165 165
@ M, = M, = © M, = © M, =-2.
7 7 3 5)
[} Huogzj (/{2}95{2&. Toéng s6 mau n = 25. Vi tri trung vi la n/2 = 12, 5.
Tan s6 tich lfiy ctia cAc nhom: 4,10, 17, 22, 25.
Nhém chita trung vi la [20;30) (vi 10 < 12,5 < 17).
Ta c¢6: L = 20;h = 10;n,, = 7'cfk 1 = 10.
- 12,5 —10 25 165
Apdungcongthu’cM—L—i— fkl-h:20++-10:20+7:7.
N

$> Cau 3. Tim hiéu thoi gian xem ti vi trong tuan trudc ciia mot sé hoc sinh thu duge két qua
sau:

Thai gian (gio) | [0;5) | [5;10) | [10;15) | [15;20) | [20;25)
S6 hoc sinh 8 16 4 2 2

Thai gian xem ti vi trung binh trong tuan trudc clia cic ban hoc sinh nay bang

@ 8,4375.. 8,28125.. ©) 8,125.. @ 8,75..
[} Ha()/zdo a/a‘”/%z'd[. Tong s6 hoc sinh n = 32. Gia tri dai dién cdc nhém lan luot la:

2,5:7,5:12,5: 17, 5: 22, 5.
8:2,5+16-7,5+4-12,5+2-17,5+2-22,5 270

5 ED) = §,4375.

Thoi gian trung binh: 7 =

¢ Cau 4. Dao ham ctia ham s6 y = €2* 1a

@A) y =¥ L. y = 2e*.. © y =e*.. D) ' = 2e*..

o Huo‘igﬁ din gidi. St dung cong thic (e*) = o’ - e, ta c6: y = (2z) - €2* = 2¢%2.

¢ Cau 5. Cho A, B 1a hai bién ¢ doc lap. Khang dinh nao sau day sai?
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(A) A, B 1a hai bién c6 doc lap..

Viéc xay ra ciia A 4nh hudng dén x4c suat xay ra clia B..

@ A, B 1a hai bién ¢b doc lap..

@ A, B 1a hai bién ¢6 doc lap..
[} Huwzj [/(Zlé 717(512. Theo dinh nghia, hai bién c¢6 doc lap 1a hai bién c6 ma viéc xay ra hay khong
xay ra clia bién ¢d nay khong anh hudng dén xac suat xay ra ctia bién c¢d kia. Vay khéng dinh &

phuong an B la sai.
¢S Cau 6. Cho hinh chép S.ABC, ¢6 déy la tam giac vuong tai A, SA L (ABC)

(tham khéo hinh vé& ben). Khing dinh nao sau day ding? S
@ BC L (SAC).. AB 1 (SBC)..
(© AB 1 (SACQ).. (D) BC 1L (SAB)..
AL

B

o Hzm‘/(y c/d?zjz’a’zﬁ Ta c6: AB L AC (do tam giac ABC vuong tai A) va AB 1 SA (do
SA 1 (ABC)).

Vi AC,SA C (SAC) va ACNSA = Anén AB | (SAC).
¢ Cau 7. Cho khéi lang tru c6 dién tich day S = 20 va chiéu cao h = 9. Thé tich ciia khoi lang
tru da cho bang

@) 60.. 90.. (©) 240.. (D) 180..
o Hocong (/a‘“,yzf(zz; Thé tich khéi lang tru: V =S - h =209 = 180.

¢S Cau 8. Gieo ngiu nhién mot con xuc xac hai lan. Goi A: "S6 cham hai lan gieo giéong nhau",
B: "C6 it nhat mot lan xuat hién mat 6 cham". S6 phan tit cia bién ¢6 C = AU B la

@) 18.. 17.. © 16.. O 1.
o Hoeong (z/af,gjzr(;,z:. A={(1,1);:(2,2);(3,3); (4,4): (5,5); (6,6)} = n(A) = 6.

B ={(6,1);(6,2); (6,3); (6,4); (6,5); (6,6); (1,6); (2,6); (3,6); (4,6); (5,6)} = n(B) = 11.

ANB={(6,6)} =n(ANnB)=1.

n(C)=n(AUB)=n(A)+n(B)—n(ANB)=6+11—-1=16.
$> Cau 9. Trong khong gian cho cac duong théng a,b vi mat phang (P). Ménh dé nao sau day
ding?

(A) Néu a//(P)vab//a thib//(P)..

Néu a L hai duong thang trong (P) thi a L (P)..

(© Néua//(P)vab Lathib Ll (P).

(D) Néua//(P)vab L (P)thib L a.
[} Huogzj (/{5)7(,7[(2[. Néu b L (P) thi b vuong goéc véi moi dudng thang niam trong (P).

Vi a//(P) nén ton tai ' C (P) sao choa//a’. Khidob L d = b1 a.

Khéng dinh D diing.
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¢ Cau 10. Cho hinh chép S.ABCD c6 déy la hinh vuong canh v/3a, SA vuong
gbc véi mit phiang day va SA = /2a. Géc gitta SC v mat phing
(ABCD) bang

(@A) 45°.. 90°.. © 30°.. (D) 60°..

(&) me(j a/(z7z(71(u Hinh chiéu ctia S trén (ABCD) la A, nén goc gitta SC va day la SCA.

Déay 1a hinh vuong canh V3a = AC = /3a - v2 = 6a.

SA  V2a 1
AC Voo VB
$¢> Cau 11. Cho mau s6 lieu ghép nhém vé can ning ctia 28 hoc sinh nam 16p 11 nhu sau:
Can nang (kg) | [45;49) | [49;53) | [53;57) | [57;61) | [61;65)
S6 sinh vién 4 5 7 7 )
Gia tri dai dién ctia nhom [49; 53) bang

@A) 53.. 52.. (© 51.. (D) 49..

49 + 53
o2 ol.

Trong tam giac vuong SAC": tan SCA = SCA = 30°.

() Hmf/(y f/(f/éjzfa’zf. Gia tri dai dién la trung diém clia nita khodng:

4> Cau 12. Véi a 1a s6 thyc duong tity §, % bing

@ a2, 035/7.. © Va5, © V™%
[} Huoil/o (/(2/2717(2’17. Theo dinh nghia liiy thita véi s6 mit hitu ti: an = Va (véia>0,neNn>
2).

Phan II. Cau tric nghiém dang sai Thi sinh trd 10i to cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai

& Bai 1. Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng canh a, SA vudéng géc véi mat
phéng day va SA = a. Xét tinh ding sai clia cic khang dinh sau:

S

a) BC' L (SAB).
b) Thé tich ctia khéi chop S.ABCD bang a®.
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c¢) Khoang cach tit S dén mit phang (ABC D) béng a.
d) S6 do ctia goc nhi dien [S, BC, D] bang 45°.

o Hacong f/dléjszzz, Xét titmg khéng dinh:

a) Ta c6 BC' L AB (vi ABCD la hinh vuong) va BC' L SA (vi SA L (ABCD)).
Suy ra BC L (SAB).
= Khéng dinh a Ding.

b) Thé tich khoi chop 14 V = £Sapcp - SA = 2a* - a = 3a®.
= Khéng dinh b Sai.

¢) Vi SA L (ABCD) nén khoang céach tit S dén mit phang (ABCD) chinh la do dai doan
SA=a.

= Khang dinh ¢ Ding.
d) Ta c6 (SBC)N(ABCD) = BC.
Vi BC 1 (SAB) nén BC' L AB va BC 1 SB.
Do d6 géc phang nhi dién ctia goc nhi dién [S, BC, D] 1a goc SBA.

wl

Trong tam giac vuong SAB ¢6 SA = AB = a nén tam giac SAB vuong can tai A.
Suy ra SBA = 45°.
= Khéng dinh d Duing.

& Bai 2. Mot hop dyng 25 tam thé duge danh s6 tit 1 dén 25. Lay ngiu nhién mot tam thé tu
hop, goi A 1a bién c6 "S6 ghi trén thé chia hét cho 3", B 1a bién c¢6 "S6 ghi trén thé chia hét cho
10". Xét tinh ding sai ctia cac khang dinh sau:

a) P(A) =g

b) P(B) = 3.

¢) A va B xung khic.
d) P(AuB) =2

Ha()éf a/r?/éj[d,zf. S6 phan tit khong gian mau 1a n(Q) = 25.

a) Cac s6 chia hét cho 3 tir 1 dén 25 1a: {3,6,9,12,15,18,21,24}.
C6 8 s6, nen n(A) = 8. Xac suat P(A) = 4.
= Khéng dinh a Diing.

b) Céc sb chia hét cho 10 ti 1 dén 25 1a: {10, 20}.
C6 2 s6, nen n(B) = 2. Xéc suat P(B) = %.
— Khéng dinh b Sai.

c) Dé A va B xung khic thi AN B = (). Cac s6 chia hét cho ci 3 va 10 phai chia hét cho 30.
Trong khodng tit 1 dén 25 khong c¢6 s6 nao chia hét cho 30, nen AN B = ().
= Khéng dinh ¢ Ding.
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d) Vi A, B xung khiac nen P(AU B) = P(A) + P(B) :%4_2:@:%,

2%~ 25
= Khéng dinh d Ding.

Phan III. Cau tra 18i ngan Thi sinh trd loi tic cav 1 dén cau 4.

& Bai 1. Nguoi ta xay dung mot chan thap bang beé tong c6 dang khdi chop cut ti gide déu.
Canh day dudi dai 5 m, canh day trén dai 2 m, canh bén dai 3 m. Biét rang chan thap dugc lam
biang bé tong tuoi véi gia tien 1a 1500000 dong/m?. Tinh s tién t6i thiéu dé mua bé tong tuoci
lam chan thap theo don vi tri¢u dong (két qua viét dudi dang s6 thap phan va lam tron dén hang
phan chuc).

(&) Haomj din oici. Dien tich day dudi 1a S; = 52 = 25 m?. Dieén tich ddy trén 14 Sy = 22 = 4 m?.
Goi O, O’ lan luot 1a tam day dudi va day trén. Chiéu cao ctia khdi chép cut 1a h = OO,
Duding chéo day dudi AC = 5v/2 = OA = 22
Duong chéo day tren A'C' = 2v/2 = O'A’' = /2.

Xét hinh thang vuong AA'O'O,ha A’H 1. AO tai H. Tac6 AH = OA—-0'A" = 5—*@ —

Chiéu cao h = A’H = VAA? — AH? = /32 3\f =./9 \/_—i

m.
Thé tich khéi chép cut: V = %h(51+52+\/5152) 1.3y (25+4+\/25 4) = 32 ~ 97 577

S
I
5

S6 tien: 27,577 x 1,5 = 41, 3655 trieu dong. Lam tron dén hang phan chuc: 41, 4 trieu dong.

& Bai 2. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang 1. Khoang cach gitta hai duong
thang AB va A'C’ bang bao nhieu?

D/

B/

B C

[} Ha’dy a/(Z/chmz Ta c¢6 duong thang AB song song véi duong thang A’'B’ (vi ABB'A’ 1a hinh

vuong).
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Ma A’'B" C (A'B'C'D’), suy ra AB//(A'B'C'D').

Duong thang A’C’ nam trong mat phang (A’B'C'D").

Do dé, khoang cach giita AB va A’C’ chinh 1a khoang céch tit duong thang AB dén mit phéng
(AB'C'D").

d(AB,A'C") = d(AB,(A'B'C'D")) = AA" = 1.
2241

& Bai 3. Ticp tuyén clia d6 thi ham s6 y = 2 tai diém c6 hoanh do zy = —2 ¢6 phuong trinh
dang y = ax + b. Gia tri biéu thitc T = 2a — b biang bao nhieu?

[ Haéy f/(z”/z(fzfdzi. Tung do tiép diem: yy = y(—2) = % = =3 = 3. Vay tiép diém la
M(—2;3).
N _ 2(x+1)—-1(2z+1) _ 1
Dao ham: ¢y = wT1)2 = @z

He s6 gbc ctlia tiép tuyén: k = ¢/(—2) = ﬁ =
Phuong trinh tiép tuyén: y —3 =1(z +2) &y =z + 5.
Suyraa=1vab=>5.

Gia tri biéu thitc T = 2a — b= 2(1) — 5 = —3.

& Bai 4. Biét phuong trinh et — 323_1 c6 hai nghiem phan biét z1,z,. Gia tri biéu thic
T = 2% + 23 bang bao nhieu?

[ Huozzj cé?/z(?z'(é,z'. Phuong trinh tuong duong: 32°+#+2 = 3-(2e-1) o 3e*+et+2 — 3-2o+1
sSr¥+tr+2=-2r+1&2°+3x+1=0.
Theo dinh Iy Vi-ét: x1 + 29 = —3 va x129 = 1.
Gia tri biu thite T = 2% + 22 = (11 + 29)* — 22125 = (=3)? = 2(1) =9 -2 =1T.
Phan IV. Ty luan Thi sinh trd i tic cau 1 dén cau 3. Thi sinh trinh bay 100 gidi chi tiét

& Bai 1. Néu mot khodn tien goc P dugde glii ngan hang véi 1ai suat hing nam r%, duge tinh 1ai
n lan trong mot nam, thi tong s tien A nhan dude sau N ki giii dugce cho béi cong thic:

A-pr(14 1\
= <+100n>

Héi néu bac Duong giti tiét kiem 100 triéu dong theo ki han 6 thang véi lai suat khong doi 1a 5%
mot nam, thi sau bao nhiéu nam s6 tien bac Duong thu vé sé 16n hon 180 triéu?

[} /Z{a(i/y a/rz‘”/éjz'd[. Theo gia thiét, ta co:
& S6 tién goc P =100 (trieu dong).
& Lai suat hing nam r = 5.
& Ky han 6 thang, ttic 1a 1 ndm tinh 1ai n = 2 lan.
& S6 tién thu vé mong muén A > 180 (trieu dong).

Goi t 13 s6 nam gui tiét kiem, khi d6 s6 ki gii la N =n -t = 2L.
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Thay vao cong thic, ta c6 bat phuong trinh:

2t
100 (1 + ) > 180 <= (1,025)* > 1,8

100 - 2

Lay logarit hai vé:

2t > log g95(1,8) ~ 23,8
— t>11,9

Vi 1ai duge tra theo ki han 6 théang, nén s ki giti N phai 1a s6 nguyén. Ta chon N = 24 ki (tuong
tng véi 2t = 24 = t = 12 nam).

Vay sau 12 nam thi s6 tién bac Duong thu vé sé 16n hon 180 triéu dong.

& Bai 2. Mot chat diém chuyén dong xac dinh bdi phuong trinh S(t) = % - % +3t? — 2t + 1,
trong d6 ¢ tinh bang giay va S(¢) tinh biang mét. Tim gia toc titc thoi nhé nhat ctia chat diém
trong chuyén dong.
[} Hmﬁ(y a/(f/i/mfa’zf. Van téc tic thoi clia chat diém la:
t3

v(t) = S'(t) = 3 2t? + 6t — 2

Gia tbc tic thdi ctia chat diém 1a dao ham bac nhat ctia van toc:
a(t) =v'(t) =t* — 4t +6
Day la mot ham s6 bac hai c¢6 do thi 1a mot parabol huéng bé 16m lén trén. Toa do dinh cla
parabol 1a t = —% = —ﬁ = 2. Gia toc tic thoi nho nhat dat dudce tai t = 2:
min = a(2) =22 —4(2) + 6 =4 — 8+ 6 =2 (m/s°).

Vay gia toc tiic thoi nhé nhét ciia chit diém 1a 2 m/s”.
& Bai 3. Cho hinh chép tit gide déu S.ABCD c6 day ABCD 1a hinh vuong tam O, AB = 2a,
SO = av/2. a) Tinh thé tich khdi chop S.ABCD. b) Tinh khoéng céch tir diém A dén mat phing
(SCD).

o uozzj (‘./(E)z(,yzf(éf Z.

a) Ddy ABCD la hinh vuong canh 2a nén dién tich day 1a B = (2a)* = 4a”.
Chiéu cao hinh chép h = SO = av/2.
Thé tich khéi chép la:

1 1 4a3\/2
VS.ABCD=§-B-h:§-4a2~a\/§: a3\/_.
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b) Vi AB//CD nén AB//(SCD), do d6 d(A, (SCD)) = d(AB,(SCD)) = d(M, (SCD)) véi M
la trung diéem AB.
Vi O la trung diem M N (véi N 1a trung diém CD), ta c6 d(M, (SCD)) =2 -d(O, (SCD)).
Trong mat phang (SON), k6 OH L SN tai H. Ta ching minh duge OH 1L (SCD) =
d(0O,(SCD)) = OH.
Ta c6 ON = %BC = a, SO = av/2. Trong tam giac vuong SON:
1 1 1 1 1 3 av/6
Om 50 ToNt a2 tw@ e - M T
Vay d(A, (SCD)) =2-OH = 25,
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 8 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Biéu thiic x - ¢/z véi > 0 viét dusi dang luy thita v6i s6 mil hitu ty la

@) zs. 5, © 5. D) 5.
o Huo‘n(j a/(m(jzm Tacz- Yz =x-05 =215 = a5,

Chon C.
$> Cau 2. Cho A, B 1a hai bién c6 doc lap thda man P(A) = 0,3 va P(AB) = 0,06. Khi do6, P(B)
bang

@) 0,6. 0,15. © 0,8. D) 0,2.
o Hecong a/rsfnjzéz, Vi A, B 1a hai bién ¢6 doc lap néen P(AB) = P(A) - P(B) = 0,06 =
0,3-P(B) = P(B) = G35 =0,2.

Khid6 P(B)=1-P(B)=1-10,2=0,8.

Chon C.

$> Cau 3. Dao ham ciia ham s6 y = 22 + 3% trén R 1a
@) y =2z + 3°. ®) v =2z + 3% In3.
© y =2z + 3% L. D) v =z +3%In3.

(2} HL[‘O/‘W din gidi. Ap dung cac cong thic dao ham co ban: (z") = naz""! va (a®) = a®Ina.
Ta c6: v = (22) + (3%) =2z + 3*In 3.
Chon B.
$® Cau 4. Cho hinh chop S.ABCD c¢6 day ABC D 1a hinh binh hanh, SB = SC va BSC = 80°.
Géc gitta hai duong thing SC va AD bing
@A) 30°. 50°. © 80°. (D) 100°.
[ Huoy f/((}l( 71.'(51.’. Vi ABCD la hinh binh hanh nén AD // BC. Khi d6 goc gitta SC' va AD
chinh la goc gitta SC' va BC', hay chinh la goc SCB.
Tam giac SBC can tai S (do SB = SC), nén goc & day:

= o_/\ o__Qne
SOB = 180 2BSC _ 180 - 80° _ 500,

Chon B.
¢ Cau 5. Véi a 1a s6 thyc duong tuy §, logy(16a) — logy(2a) bang
@) 3. 4. (©) log,(4a). (D) log,(8a).

[} Haoiy aé&y&z’zl Ap dung tinh chét ciia logarit: log, = — log, i = log, ( )

z
Y
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Ta c6 logy(16a) — log,(2a) = log, (52) = log, 8 = log,(2*) = 3.
Chon A.

¢ Cau 6. Trong hinh vé bén dudi, chiéc laptop dude md goi nén hinh dnh ctia mot goc nhi dién.
Ta goi s6 do géc nhi dien d6 1a do md ciia laptop. Do md ciia chiée laptop d6 bang bao nhiéu do
(lam tron két qua dén hang don vi)?

@A) 74°. 73°. (© 106°. (D) 107°.
[} Hwoﬁfy [/(%7[(&' Hinh anh laptop mé tao thanh mdt tam giac ¢6 cac canh dai 25 cm, 25 cm
va 40 cm.

Goc nhi dién tuong ting chinh 1& géc d6i dién véi canh 40 cm. Goi géc nay 1a «, ap dung dinh
Ii cosin trong tam giac:

402 = 252 + 252 —2.25-25 - cos
= 1600 = 625 4+ 625 — 1250 - cos «
= 1250 - cosa = 1250 — 1600 = —350

= cosa = %;’8 = —0, 28.
St dung may tinh bé tii: o = arccos(—0,28) ~ 106, 26° ~ 106°.
Chon C.

$> Cau 7. Dao ham ctia ham s6 y = cos 6z trén R 13

() y = sin 6. y' = —6sin 6.
© y = —sin6z. (D) ¥ = 6sin6z.
[} Hwofﬁ (/('z‘}yzfdzl Ap dung cong thic dao ham ham hop (cosu) = —u' - sinu:
y' = (cosb6z) = —(62)" - sin 6z = —6sin 6.
Chon B.

$> Cau 8. Trong khong gian cho cac dudng thang a,b va mit phang (P). Ménh dé nao sau day
diang?

(A) Néu a//(P)vab//a thib//(P)..
Néu a L hai duong thang trong (P) thi a L (P)..
(© Néua//(P)vab Lathib Ll (P).
(D) Néua//(P)vab L (P)thib L a.
[ Hmﬁ(y a/(f/i/mfa’zf. Néu b L (P) thi b vuong goéc vi moi dudng thang nam trong (P).
Vi a//(P) nén ton tai a’ C (P) sao cho a//a’. Khid6 b L d' = b L a.
Khang dinh D duing.
$» Cau 9. Cho cap s6 nhan (u,) v6i uy = 8 va us = 64. Cong boi ciia cap s6 nhan da cho bang

@) 8. ® 1. © 2. D) 4.

(&) Huo‘igﬁ din oiéi. Trong cap s6 nhan, ta c6 he thic: us = us - ¢.
=64=8-¢F=¢=8=q¢=2.
Chon C.

. 1\*
$® Cau 10. Tap nghiém ctia bat phuong trinh (5) >51a
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@ (—1;400). (—o0; —1). © (—o0;1). © (1;+00).

[ /‘[aﬁo/’éy a,/(z“nt/m'(z’z'. Bat phuong trinh tuong duong: 5% >5' & —x > 1<z < —1.

Vay tap nghiém la S = (—o0; —1).
Chon B.

$© Cau 11. Cho hinh chop S.ABC ¢6 day ABC' la tam giac can tai B. Canh SA vuong géc véi
mat phang day va goi M la trung diém canh AC. Duong thang BM vudng goc véi mit phing nao
dudi day?

@A) (SAC). (SBC). © (SAB). (D) (ABO).
[ /-Zzzo‘g din 717(2’1'. Vi tam gidc ABC can tai B nén duong trung tuyén BM ciing dong thoi 1a

C

duong cao, do d6 BM L AC.

Mat khac, vi SA L (ABC) ma BM C (ABC) nén SA 1 BM.

Ta c6 BM vudng goc v6i hai duong thang cit nhau AC va SA ciing nam trong mit phéng
(SAC), suy ra BM L (SAC).

Chon A.

¢ Cau 12. Thong ke s6 tien (don vi nghin dong) ma 60 khach mua ¢ mot siéu thi mini trong mot

ngay thu dugc két qua nhu sau:

Nhom sb tién | [40;50) | [50:60) | [60;70) | [70;80) | [80;90)
Tan sb 3 6 19 23 9

Tt phan vi thit nhat ctia mau s6 lieu ghép nhém trén (lam tron két qué dén hang phan tram) la

@A) 69, 83. 63, 16. © 77,39. (D) 70, 87.
[} /{uwz (/mz(/maz Tong s6 mau la n = 60. Vi trf clia t@ phan vi thi nhat Q 1a 1= % = 15.

Tan sb tlch liy ctia cac nhém lan lugt 1a: 3,9, 28,51, 60.
19 < 15 < 28 nén nhém chia t¢ phan vi thi nhat 1a nhém thi ba: [60; 70).
Ta c6 cac thong s6: L = 60,n = 60,cf =9, f; = 19, w = 10.
Cong thiic tinh Q1: Q@ = L+ 57 -w =60+ 1352 .10 = 60 + % ~ 63, 15789... ~ 63, 16.
Chon B.

Phan II. Cau tric nghiém diang sai Thi sinh trd 10i to cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai
& Bai 1. Cho ham s6 y = 2® — 322 — 92 + 8 ¢6 do thi (C). Xét tinh ding sai ctia cac khang dinh
sau:

a) C6 hai diém phan biét thuoc do thi (C') ma tiép tuyén tai hai diém dé cia d6 thi (C) c6 he

s6 goc bang —12.

b) Tap nghiém ciia bat phuong trinh ¢/ < 0 1a (=3;1).

¢) Phuong trinh tiép tuyén ctia do thi (C) tai diem A(—2;6) 1a y = 15z + 36.

d) Dao ham ctia ham s6 da cho trén R la ¢ = 32% — 6z — 9.

[} Huogzj (/d/z;jz’(z’zﬁ. Ham s6: y = 2% — 322 — 92 + 8.
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Dao ham: 3 = 32% — 6z — 9.

¢ Khing dinh a): SAIL He s6 goc tiép tuyén k = y/(z) = =12 & 322 — 62 — 9 = —12 &
312~ 6r+3=0o3x—1)2=0oz=1.

Chi c¢6 1 gié tri  nén chi c6 1 tiép diém.
¢ Khing dinh b): SAL 3/ <0< 32 —62 —9 <0< —1 < 2 < 3. Tap nghiem la (—1;3).

¢ Khéng dinh c): DUNG. Tai A(—2;6), hé s6 goc k = y/(—2) = 3(—2)2 — 6(—2) — 9 = 15.
PTTT: y — 6 = 15(z + 2) < y = 152 + 36.

& Khing dinh d): DUNG. Theo quy t&c dao ham da thic (") = na™ '

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh ch@ nhat v6i AB =4 va AD = 2. Mat
bén (SAB) la tam giac déu va vuong goc véi mat day. Goi H, K lan lugt 1a trung diém cac canh
AB va CD.

a) Duong thang SH vuong géc mat phang (ABCD).

b) Khoang cach gitta dudng thing AB va mit phing (SCD) bing v/3.
5 N V15

c¢) Cosin goc gitta duong thang SD va mat day bang =

d) Hai mat phang (SHC) va (SK B) vuong goc.

[} HL[‘()/‘W a/(‘z’\/z(jz'd[,

a) DUNG. Tam gidc SAB déu canh AB = 4 nén trung tuyén SH | AB.
Vi (SAB) L (ABCD) theo giao tuyén AB nén SH L (ABCD).

?:2\/5.

b) DPUNG. Vi AB//CD nén AB//(SCD) = d(AB,(SCD)) = d(H,(SCD)).
Ké HK 1 CD tai K (do ABCD la hinh chit nhat).

Tac6 CD L HK va CD L SH = CD L (SHK).

Trong (SHK), ké HI L SK tai I. Khi d6 HI L (SCD) = d(H, (SCD)) = HI.
Xét tam giac vuong SHK (HK = AD = 2):

Ta c6 SH =

. 1 1 1 11 1 4 1
ov3r 2 1271 12 3 Vs

HI2 SH? + HK?2

¢) SAL Hinh chiéu ctia SD len déy 1a HD, goc gitta SD va déay 1a SDH.

Trong tam gidc vuong AHD: HD = /AH? + AD? = /22 + 22 = 2./2.

Trong tam gigc vuong SHD: SD = v/SH? + HD? = \/(2\/5)2 +(2v/2)2 = /12 + 8 = 2V/5.
HD 2V2 V10 , V15

SD 25 5 75

d) DPUNG. Xét hinh chit nhat ABCD. Goi E = HC N BK.

Xét hai tam giac vuong HBC va KCB c6: BC chung; HB = KC = 2.

COSS/-DE =
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— AHBC = AKCB = BHC = CKB. Ma CKB + KBC = 90° = BHC + KBC = 90° =
HEB = 90° hay HC' | BK.

Lai ¢c6 BK L SH (do SH L day).

Suy ra BK 1 (SHC). Vi BK C (SKB) nén (SKB) L (SHC).

Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 4.

. 1 ,
& Bai 1. Bat phuong trinh 2775 > 3 c6 bao nhiéu nghiém nguyén duong nho hon 107
[} Hmfy (/(5/271’0’,[. Ta co:
1
2°7° > §@2f—522—3@x—52—3@x22.

Vi z la nghiém nguyén duong nho6 hon 10 nén x € {2;3;4;5;6;7;8;9}.
S6 cac gia tri thda man 1a 9 —2 +1 = 8.
Vay c6 tat ca 8 nghiém nguyén duong nhoé hon 10.

& Bai 2. Két qua hoc tap cta 500 hoc sinh khéi 11 truong THPT Pham Pha Thi hoc ki I nam
hoc 2024-2025, trong dé c6 82 hoc sinh dat diém giéi mon Toan; 76 hoc sinh dat diém giéi mon
Vin va 35 hoc sinh dat diém giéi ca 2 mon Toan, Van. Chon ngau nhién mot trong s6 500 hoc sinh
néi trén. Tinh xéac sudt dé chon duge hoc sinh dat diém giéi it nhat Toan hodic Van (lam tron két
qué dén hang phan tram).

[} Hwo‘éz/c /(iﬂ(jééé. Goi A 1a bién c¢b: "Hoc sinh duge chon dat diém giéi mon Toan".

Goi B la bién ¢6: "Hoc sinh duge chon dat diém giéi mon Van'".
Theo gia thiét, ta c6 s6 hoc sinh gidi Toan 1a n(A) = 82, gi6i Van 1a n(B) = 76, gidi ca hai 1a
n(AN B) = 35.
S6 hoc sinh gi6i it nhat mot trong hai mon 1a:
n(AUB) =n(A)+n(B) —n(ANB) =82+ 76 — 35 = 123.
Xac suat dé chon duge hoc sinh dat diém giéi it nhat Toan hoac Van la:
AUB) 123

Lam tron dén hang phan tram, ta duge két qua xap xi 0, 25.

Z - 1 N Z Z 2
& Bai 3. Cho ham s6 y = f(z) = L 2 c6 do thi (C). Phuong trinh tiép tuyén cia (C) tai diem
x

¢6 hoanh do o = —3 ¢6 dang y = ax + b. Tinh a — 0.
-3-1

[ /{uw(z? (/(Elzidmfdzﬁ. V6i 2y = —3, ta c6 tung do tiép diém la yo = f(=3) = 372 4.
1.2 (-1)-1 3
Dao ham: ¢ = = )
N e
) . . . 3
Heé s6 goc clia tiép tuyén tai zo = —3 la: a = ¢/ (—3) = m = 3.
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Phuong trinh tiép tuyén tai M(—3;4) la:
y—4=3(r+3) e y=3r+13.

Tw do suy raa =3 va b = 13.

Vay a —b=3—13 = —10.

& Bai 4. Van tdc clia mot chat diém chuyén dong duge biéu thi bdi cong thiic v(t) = 6t +t2, trong
dé t > 0, t tinh bang giay va v(¢) tinh bang mét/giay. Tim gia tdc cia chat diém tai thoi diem ma
van toc chuyen dong la 7 mét/giay.

(e mey z/a’,/if[{ézi. Gia tbc clia chat diém tai thoi diém t 1a dao ham clia van téc theo thoi gian:

a(t) =v'(t) = (6t +t*) =6+ 2t (m/sQ).
Tai thoi diém van téc chuyén dong 1a 7 m/s, ta c6 phuong trinh:
t =1 (théa man ¢ > 0)
t = —7 (loai)

V() =T 6t+t? =Tt +6t—-T=0<

Vay thoi diém van toc dat 7 m/s 1a tai t = 1 giay.
Cia tdc clia chat diém tai thoi diém ¢t =1 1a: a(1) =6+2-1 =8 (m/s°).
Phan IV. Ty luan Thi sinh trd i ti cau 1 dén cau 3. Thi sinh trinh bay 100 gidi chi tiét
& Bai 1. Tinh dao ham ctia caAc ham sb sau:
1
a) y= gm?’ — 22%;
b) y=Vz-(v+2)

[ Haoiy a,/(z‘\/z(/m'(z"[.

1 S|
a) Tacé:y’z(—x3—2x2) :§~3x2—2~2x:x2—4x.

3
b) Diéu kién: z > 0. Stt dung cong thiic dao ham tich (uv)’ = v'v + uv'”:
1 r+2+2x 3x+2
f= " 2 ~ 2) = —— 2 1= = .
Y=o @)+ Ve (e+2) = gonle+ 2+ Ve NG NG

& Bai 2. Cac hoc sinh 16p 11A lam thi nghiém gieo mot gidng lia gom loai I va loai II. Xac suat
dé hai loai hat lta loai I va II ndy mam tuong tng 1a 0,95 va 0, 84. Gia sit viec ndy mam ctia hat
laa loai I va hat laa loai II 14 doc lap v6i nhau. Dung so do hinh cay, tinh xac suat dé c6 ding mot
loai hat lta niy mam.

[ Hzm/y f/d/yzfdz'. Goi A 1a bién c6 "Hat loai I ndy mam", B 1a bién c¢6 "Hat loai II ndy mam".

Ta ¢6: P(A) = 0,95 = P(A) = 0,05; P(B) = 0,84 = P(B) =0, 16.
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So do hinh cay biéu dién cac kha nang:

Bit dau

Loai IT (0, 84)IT (0, 16)Loai IT (0,84)II (0, 16)

Dé c6 ding mot loai hat ndy mam, ta xét 2 nhanh:
& Chi loai I ndy mam: P(AN B) = 0,95 x 0,16 = 0, 152.
& Chi loai II ndy mam: P(AN B) = 0,05 x 0,84 = 0,042,
Xac suat can tim la: P = 0,152 4+ 0,042 = 0, 194.
& Bai 3. Mot bé ca hinh chop cut déu, day bé la hinh vuoéng c¢6 canh biang 20 cm, miéng bé 1a
hinh vuoéng c6 canh bang 30 cm va chiéu cao bang 20 cm.
a) Tinh dung tich ctia bé ca.
b) Ngudi ta dd vio bé mot lugng nude, biét bé mat nude 1a mot hinh vuong c6 canh bing 28 cm.
Tinh thé tich ctia lugng nuée da do vao.

, , . h
[ Hw)ilj (/(f/é/c[d[. Cong thtc the tich hinh chop cut deu: V = g(Sl + S+ /515).

a) Dién tich day dudi S; = 202 = 400 cm?, dién tich mieng bé Sy = 302 = 900 cm?.
Dung tich bé ca la: V = ?(400 + 900 + /400 - 900) = ?(1300 + 600) = &200 ~
12666, 67 cm?.

b) Goi h, la chiéu cao myc nude. Vi canh ddy bién thién tuyén tinh theo chiéu cao, ta co:

he he
28 =20+ (30~ 20) - o5 = 8=10- ¢ = h, = 16 cm.

. 16
Dién tich mat nuéc S, = 282 = 784 cm?. Thé tich nuéc la: V,, = 3(400+784+ V400 - 784) =
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16 27904
= (11844 560) = == =~ 9301, 33 cn’,

» Sww lary va Bién soan: Lé /”Zm/z)(/(a - 0399653362 105



106

PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DPE SO 9 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Dao ham ctia ham s6 y = 5% 1a

@)y =x-5°L ®) v = 5.
© v =— D) ¥ = 5%In5.

In5
[ Hu’a/n/c (/(‘z“/ijzfcézf, Ap dung cong thitc dao ham ham s6 mi (a*) = a*Ina, ta co: y' = (5*) =
C
5% In 5.
Chon D.

¢> Cau 2. Cho hinh ling tru tam gidc déu c6 tat cd cic canh bang nhau. Goc gitta hai duong
thang A'B va CC' 1a
@ 60°. 30°. © 90°. ©) 45°.

(&) Hzm‘y a,/(‘z“/zyz'dz?, Trong hinh lang try, ta ¢6 CC'//BB’. Do d6 (A'B,CC") = (A'B, BB').
C

Vi lang tru c6 tat ca cac canh bang nhau nén mat ben ABB’A’ 1a hinh vuong,.

Trong hinh vuong ABB’'A’, dusng chéo A’B tao véi canh BB’ mot géc 45°.
Chon D.
$> Cau 3. Mot hop chita 21 tam thé cuing loai duge danh sé thit tuy tir 1 dén 21. Chon ra ngau
nhién 1 thé tit hop. Goi C' 1a bién ¢6 "S6 ghi trén thé duge chon chia hét cho 2", D 1a bién c¢6 "S6
ghi trén thé dugc chon chia hét cho 3". Khi d6 bién c6 C'D la

@ "S6 ghi trén thé duge chon chia hét cho 4".

"S6 ghi trén thé duge chon chia hét cho 12".

(C©) "Sb ghi trén thé duge chon chia hét cho 5".

(D) "S6 ghi trén thé duge chon chia hét cho 6".

[ Hu‘d‘igj r/énjz'réz'. Bién c6 C'D la bién cb giao, xdy ra khi s6 trén thé vita chia hét cho 2 vita
chia hét cho 3, titc 1a chia hét cho BCNN(2,3) = 6.
Chon D.
1
$® Cau 4. Phuong trinh 2% = 3 ¢6 nghiém la

@ 4 3. © -4 ® 3
1
[ /Z{u‘o/‘igj a,/rz‘”/éj[d[, Ta c6 2% = 3 S22 =23 p=-3.
Chon B.

$& Cau 5. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng canh a, SA 1 (ABCD),
SA = ay/2. Tinh khoang cach giita duong thing C'D va mit phing (SAB)?

@) a. B %ﬁ. © 2a. (D) av/2.
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(o) Hmfy din gidi. Vi CD//AB nén CD//(SAB).
C

Do d6 d(CD,(SAB)) =d(D,(SAB)) = AD =a (vi DA L (SAB)).
Chon A.
$> Cau 6. Cho hinh chép S.ABC ¢6 SA 1 (ABC), day ABC' la tam giac vuong tai B. Chon
khéng dinh sai trong cac khing dinh sau
@) (SAC) L (ABC). (SBC) L (SAB).
© (SBC) L (SACQ). (D) (SAB) L (ABC).
e ucong c/@mt{zz, - Tac6 BC L AB va BC 1 SA nen BC L (SAB) = (SBC) L (SAB).
-SA 1 (ABC) = (SAC) L (ABC) va (SAB) L (ABC).
- Khéng dinh (SBC) L (SAQC) la sai.
Chon C.

¢ Cau 7. Cho hinh lap phuong ABCD.A’B'C'D’ ¢6 canh bang a. Tinh tan clia goc tao bdi duong
thing AC' va (ABCD)?

1 V6 1

e Hlacong din giai. Gée gita AC' va (ABCD) 1a goc C'AC.

Nl

cc’ a 1

tan C'AC = —— = " = —_
an AC o V2

Chon D.
¢ Cau 8. Cho A, B 1a hai bién ¢b doc lap. Biét P(A) = 0,3; P(B) = 0,7. Xac suat cta bién cd
AB la

@) 0,21. 1. © 0,49. (D) 0,09.
e/ luong (/(z,yztafz. Vi A, B doc lap nén P(AB) = P(A) - P(B) =0,3-0,7 = 0,21.
Chon A.

. 1

$& Cau 9. Cho ham s6 y = §I3 — 322 + 5x + 3. Goi 71, 75 13 cdc nghiém ctia phuong trinh ¢/ = 0
(1 < x2). Gid tr1 S = 2x9 — 17 12

@) -9. 9. © 7. D -3.

() Hwo‘ézﬁ f/(zflzdmfd,z'. Y =22—-6rx+5=0&zx=1hosicx=5 Viz;, <wzynénxz, =1,1y=5.

S=2(5)—-1=09.
Chon B.
$& Cau 10. Tap nghiém ctia phuong trinh log,(x 4+ 1) = log,(2 — 4z) 1a
1 1
® o 5 © {0} ® {3}

(e Hu‘o‘igf din gici. Didu kien: —1 < x < 1/2.
Phuong trinh & 2+ 1=2—-4r < br =1« x = 1/5 (théa mén).
Chon B.

Phan II. Cau tric nghiém diang sai Thi sinh trd 10i t cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai

» Sww lary va Bién soan: Lé 7’&,'/2/( )(/((z - 0399653362

107



& Bai 1. Cho hinh hop chit nhat ABOD.A'B'C'D’ ¢6 AB = 3, BC = 4, AA’ = 5. Cac ménh de
sau day dung hay sai?

a) Hai mat phang (AA'C'C) va (BDD'B') vudng goc véi nhau.

? ~ 5
b) Sin gbc gitta mat phang (A'BC) va (ABCD) bang ——.
) géc g it phang ( ) va ( ) 8 a1
. N 60
¢) Khodng cach gitta hai mat phang (ACD’) va (A’C’'B) ban .
) g g it phang ( ) va ( ) 8 765

d) Thé tich khéi hop chit nhat bang 60.

o Haoy a/(z}f/z; Jial.

a) SAL
Ta c6 (AA'C'C) L (ABCD) va (BDD'B') L (ABCD).

Géc gifta hai mat phing nay chinh la géc gitta hai duong chéo day AC va BD.

Vi ABCD la hinh ch nhat ¢6 AB = 3, BC' = 4 nén AC khong vudng géc v6i BD (chi vuong
goc khi 1a hinh vuong).

Vay hai mit phang khong vuong goc.

b) PUNG.
Ta c6 (A'BC)N (ABCD) = BC.

Mit khac, AB L BC (tinh chat hinh chit nhat) va AA’ | BC (vi AA’ L (ABCD)).
— BC 1 (AAB) = BC L A'B.

Vay goc gitta (A'BC) va (ABCD) la a = A/BA.

Trong tam gidc A’AB vuong tai A: A'B = /AB? + AA”? = /32 + 52 = /34,

: AA 5
sina = =—.
A'B /34
c) DUNG.
Dé thay (ACD")//(A'C'B). Khoang cach gitta chung 1a d = d(B, (ACD')).
. 1 1 1
Xét khoi Ch()p BACD/, ta co VB.ACD’ = VD’.ABC = 5 . SABC DD = 5 : <§ -3 4) -5 =10.
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Tinh dien tich AACD": AC =5, AD’ = /32 +52 = /34,CD’' = /42 + 52 = \/41.

769
St dung cong thtc tinh dién tich tir 3 canh, ta ¢6 Sacp = —
S p 3VB.aco 30 60
uy ra d = = = )
Y Sacpr VI8 /769
d) DUNG.

Thé tich V = AB- BC - AA' =3 -4-5 = 60.

& Bai 2. Cho ham s6 y = f(z) = —2% 4+ 62® — 9z + 1 ¢6 d6 thi (C'). Cac meénh dé sau day diung
hay sai?

a) Phuong trinh tiép tuyén ctia do thi (C') c6 he s6 goc 16n nhat 1a y = 3z — 7.
b) Bat phuong trinh ¢’ > 0 ¢6 ding ba nghiém nguyeén.

c¢) Phuong trinh tiép tuyén ctia d6 thi (C') tai M(0;1) la y = —9z — 8.

d) ¢ = —-32% + 122 — 9.

o Hzmj f/avzdm'a?z. Ta xét ham s6 y = —2® + 622 — 9z + 1.

& d) DUNG. Dao ham ¢/ = —322 + 122 — 9.
& b)SAL Tacoy >0 —322+120—9>0& 1<z <3

Céc s6 nguyen thuoc khoang (1;3) chi ¢c6 z = 2. Vay bat phuong trinh chi ¢6 mot nghiem
nguyen.

® ¢) SAIL Tai M(0;1), he s6 goc tiép tuyén la k = ¢/(0) = —9.
Phuong trinh tiép tuyén: y — 1 = —9(x — 0) & y = —92 + 1.
© a) DUNG. Heé sb goc tiép tuyén tai diém c6 hoanh do z 1a k(z) = —32% + 122 — 9.
—12
2-(-3)

Day 1a mot parabol quay bé 16m xuéng dudi, dat gia tri 16n nhat tai dinh = =

Khi d6 kpae = k(2) = 3 va y(2) = —1.
Phuong trinh tiép tuyén: y — (=1) =3(z —2) &y =3z — 7.
Phan III. Cau tra 15i ngan Thi sinh trd i tic cav 1 dén cau 4.
& Bai 1. O rudi giam, tinh trang cdnh dai 1a tinh trang troi hoan toan so véi tinh trang canh
ngan. Cho rudi gidm cai canh dai thuan chting giao phoi véi rudi giam dire canh ngén thuan chiing
thu duge Iy toan rudi giam canh dai. Tiép tuc cho F} giao phoi v6i nhau va thu duge cac con rudi
giam Fy. Lan lugt 1ay ngau nhién hai con rudi giam F, tinh xac suat ctia bién c¢6 “Co6 dung mot

con Tuodi giam canh dai trong hai con dugc lay ra” (lam tron dén hang phan tram).

[} Hu‘o‘/77 (/(5/127[(217. Quy u6c: Gen A quy dinh cénh dai (troi), gen a quy dinh canh ngén (1&n).
4 i

& P: AA (cai dai) x aa (dyc ngan) — F; : 100%Aa (canh dai).
& Fy x Fy: Aa x Aa — Fy: 1AA : 2Aa : laa.

& Ti lé kiéu hinh & F: % canh dai va }l canh ngan.

Xéc suat dé chon duge 1 con canh dai la p = %, x4c suat chon dude 1 con canh ngan 1a ¢ = %L.
Lay ngdu nhién 2 con & F,, xac suat dé c6 ding mot con canh dai (tic 1a 1 con canh dai va 1

con cdnh ngén) la:
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3\' /1\' 3 6
P:OQI-(Z) '(Z) =2 —=—=0,375

Lam tron dén hang phan tram, két qua la: 0,38.

& Bai 2. Anh Hung gti tiét kiem khoan tién 700 trieu dong vao mot ngan hang vé6i 1ai suat
7% /nam theo hinh thitc 14i kép ki han 12 thang. Tinh thoi gian t6i thidu gii tiét kiem dé anh Hung
thu duge it nhat 1 ti dong (c& von 1an 1ai). Cho biét cong thiic 1ai kép 1a T'= A - (1 +r)", trong
d6 A la tién von, T 1a tién von va lai nhan duge sau n nam, r 1 1ai suat/nam.

o Hecong c/zzlifzf(z,z:. Theo gi4 thiét ta c6: A = 700 (trieu déng), T > 1000 (trieu déng), r = 7% =
0,07.

Ap dung cong thiic 1ai kép:
10
1000 < 700 - (1+0,07)" & — < (1,07)"
Lay logarit co s6 1,07 hai vé:

10
n > log, o7 (7) ~ 5,27

Vi ki han giii 14 12 thang (1 ndm) nén n phai 1a s6 nguyen.
Vay thoi gian t6i thiéu dé dat dugce it nhat 1 ti dong 1a n = 6 nam.

& Bai 3. Can nang trung binh clia mot em bé trong do tudi tit 0 dén 36 thang c6 thé duge tinh
gan dung béi ham s6 w(t) = 0,00076¢> — 0,06¢* + 1,8t + 8,2, trong d6 ¢ duge tinh bang thang va
w duge tinh bing pound. Tinh tdc do thay déi can ning ctia em bé dé tai thoi diém 15 thang tudi
(két qua lam tron dén hang phan tram).

N oong f/z;nja;z. Téc do thay déi can ning tai thoi didm ¢ 1a dao ham bac nhét ctia ham sb
C

can nang w(t).

w'(t) = (0,00076t> — 0,06t* + 1,8t + 8,2) = 0,00228t* — 0,12t + 1,8
Tai thoi diém ¢ = 15 thang, téc do thay doi la:

w'(15) = 0,00228 - (15)* — 0,12 - (15) + 1,8
w'(15) = 0,513 — 1,8 + 1,8 = 0,513
Lam tron dén hang phan tram, két qua 1a: 0,51 (pound/théang).

& Bai 4. Mot vat chuyén dong v6i phuong trinh S(t) = 4t> + ¢, trong d6 t > 0, t tinh bing giay,
S(t) tinh bang mét. Tim gia téc clia vat tai thoi diem van tdc clia vat bang 11.

[ Huoélj (/(E/zdmfdzi. Van toc clia vat 1a dao ham ciia quang duong: v(t) = S'(t) = 8t + 3t>.

Gia toc clia vat 1a dao ham ciia van toc: a(t) = v'(t) = 8 + 6t.
Thoi diém van téc bang 11 m/s 1a nghiém ctia phuong trinh:
M4+ 8t =113 +8—11=0< (t—1)(3t +11) =0
Vit >0, ta chon duge ¢ = 1 (giay).
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Gia tbc clia vat tai thoi diém doé la:

a(l) =8+6-1=14 (m/s")
Phan IV. Tu luan Thi sinh tra loi to cau 1 dén cau 4. Thi sinh trinh bay 100 gidi chi tiét
& Bai 1. Tim tap hgp nghiém ctia bat phuong trinh 3% — 2 - 5% < 0.
[ Hm)‘éy din ¢iéi. Bat phuong trinh da cho tuong duong véi:
3" <2.5"

Vi 5% > 0 v6i moi « € R, chia ca hai vé cho 5* ta dudgc:

(5) <

Vicos6 0 < 2 < 1 nén bat phuong trinh doi chicu:

3

Lay logarit co s0 ¢ ca hai ve.

x> logs 2

Vay tap nghiém ctia bat phuong trinh 1a S = <log% 2; +oo>.
& Bai 2. Mot vat chuyén dong xac dinh bdi phuong trinh chuyén dong s(t) = t? — 4t + 3, trong
dé s 1a quang duong tinh bang mét va t 1a thoi gian tinh bang giay. Tinh gia t6c ctia chuyén dong
tai thoi diém ¢ = 4.
(e Han‘?/c din oidi. Van tdc clia vat tai thoi diém ¢ 1a dao ham bac nhat ciia quang duong theo

C
thoi gian:

v(t) =8'(t) = (t* — 4t +3) =2t — 4 (m/s).
Gia toc clia vat tai thoi diém ¢ 1a dao ham bac nhét ctia van téc (hay dao ham cap hai clia quing
duong):

a(t) =v'(t) = (2t —4) =2 (m/s%).
Vi biéu thite gia téc 1a mot hing sb a(t) = 2, nén tai thai diém ¢ = 4, gia téc clia vat 1a 2 m/s”.

& Bai 3. Cho lang try tam giac ABC.A'B'C’ ¢6 day la tam giac déu canh bang 5, do dai canh
bén bing 20. Biét mat phang (BCC'B’) vuong goéc v6i mat phang day va goc B'BC = 30°. Tinh
thé tich khéi chop A.CC'B'.
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[} Hmfy f/d/z( Gl

B’ '’

A

Goi H 1a hinh chiéu vuong goc ctia B’ len duong thang BC. Vi (BCC'B’) 1 (ABC) theo giao
tuyén BC, nén B'H 1 (ABC).

Xét tam giac vuong B'H B, ta co:
B'H = BB’ -sin B'BC = 20 - sin 30° = 10.

Day chinh 13 chiéu cao clia lang tru.

Diéen tich tam giac CC'B’ bang mot nita dién tich hinh binh hanh BCC'B’:
1 1 1
SC'C’B/ == §SBCC’B’ = 5 . BC . B/H - 5 . 5 . 10 — 25
Chiéu cao ha tit A xudng mat phang (BCC'B’) chinh la dudng cao AM clia tam giac déu ABC:
5V/3

Theé tich khéi chép A.CC'B’ la:
1 1 5V3 1253
V, g == -Scorp ha=—--25- = .
Accp = 5 RcoB A= g 5 5
& Bai 4. Cho hinh chép S.ABCD c6 canh bén SA vuong géc véi mat phang day, ABCD la hinh
vuong canh bang 4. Biét géc gitta SB va mit day bang 60°. Goi M la diém nim trén canh C'D
sao cho DM = 2MC. Tinh khoang cach tit diém M dén mat phang (SBD).

[} Ha(fiy (z&?}y[éi.
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Vi SA L (ABCD) nén AB la hinh chiéu ciia SB len ddy. Do d6 (SB, (ABCD)) = SBA = 60°.

Trong tam giac vuong SAB: SA = AB - tan 60° = 4+/3.
Goi O = ACN BD. Vi O la trung diém AC nén d(C, (SBD)) = d(A, (SBD)).
Xét tit dien vuong ASBD (tai A), goi h 1a khodng cach tit A dén mat phang (SBD):

1 1 1 1 1 1 1 7 4+/21
LA NS TS N S I AN 71
h? SA?2  AB?  AD? 48 16 16 48 7
Duong thang CD cit (SBD) tai D, ta c6 ti s6 khoang céch:
d(M,(SBD)) MD 2

d(C,(SBD)) — CD 3

Vay d(M, (SBD)) = 2d(C, (SBD)) = 2 . &21 _ /21,

» Sww lary va Bién soan: Lé 7’&,'/2/( )(/((z - 0399653362

113



PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 10 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Cho ham s6 y = log, x va y = log, x ¢6 do thi nhu hinh vé bén. Ménh dé nao dudi day

ding?
)
y =log, x
x
y = log, x
A 0<a<l<b. B 0<b<a<l.
©0<a<b<]l. Do<b<l<a.

[} Huoélj (/(E/zdmfa’zi. Dura vao do thi ham sb logarit, ta thay:
& DO thi ham s6 y = log, = di len tit trai sang phai nén ham s6 dong bién, suy ra co s6 a > 1.

& Do thi ham s6 y = log,  di xudng tir trai sang phai nén ham s6 nghich bién, suy ra co s6
0<b< 1

& Két hop lai ta duge: 0 < b < 1 < a.
Vay chon dap an D.

¢ Cau 2. Tim nghiém clia phuong trinh 32771 = 243,

@A) = =5.. ®) = =3.. © x=4. D) = =6..

o Haofy din cici. Ta c6: 243 = 35.
C

Khi d6 phuong trinh tré thanh: 3% ' =3% «— 21— 1=5 < 20 =6 < z = 3.
Vay chon dap an B.

¢ Cau 3. Cho ttt dien déu ABCD, goc giita hai dudng thang AB va CD bang
@A) 30°.. 45°.. (©) 60°.. (D) 90°..

[} Haog (z/(ﬁ)ifzf(é,zi. Trong tit dién déu, céc cap canh doéi dién ludn vuong géc véi nhau.
That vay, goi H 1a tam ctia tam gidc déu BCD. Ta c6 AH 1 (BCD).

Vi H la tam tam giac déu nén BH L CD. Theo dinh 1§ ba duong vuong géc, AH L. CD va
BH 1L CDsuyraCD L (ABH) = CD 1L AB.

Vay gbc gitta chung la 90°. Chon dap an D.
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$® Cau 4. Cho hinh chép S.ABC c6 day ABC' la tam giac vuong tai B, canh bén SA vuong goc
v6i day, M la trung diém BC, J la trung diém BM. Khang dinh nao sau day ding?
(A) BC 1 (SAB).. BC 1 (SAJ)..
(© BC L (SAC).. (D) BC 1 (SAM)..
BC 1 AB (do AABC vuodng tai B)

= BC 1 (SAB).
BC 1 SA (do SA L (ABC))

[} /Z{a‘()/‘/y a/a‘”/y[d[. Ta co: {

Vay chon dap an A.

¢S Cau 5. Cho hinh chép S.ABCD c¢6 SA L (ABCD) va day la hinh vuong. Tt A ké AM L SB.
Khéng dinh nao sau day ding?
A) SB L (MAC). AM 1 (SAD).
(© AM L (SBD). D) AM 1 (SBC).
O luong a/(;;éjz(z(; Ta c6 BC' L AB (day la hinh vuong) va BC' L SA (do SA L (ABCD)).
Suy ra BC 1 (SAB) = BC 1L AM (vi AM C (SAB)).
Két hop véi AM L SB, ta duge AM 1 (SBC).
Vay chon dap an D.

$® Cau 6. Cho hinh chép S.ABC' ¢6 day ABC' la tam gidc vuong tai A, canh bén SA vuong goc
v6i day. Khang dinh nao sau day ding?

@A) (SAC) L (SAB).. (ABC) L (SBC)..

© (SAC) L (SBO).. (D) (SBC) L (SAB)..
AC 1 AB (do AABC vuong tai A)
AC 1L SA (do SA L (ABC))

1 AC C (SAC) nén (SAC) L (SAB).
Vay chon dap an A.

[ Huw(zy (/(5/127[(2‘11 Ta c6 { — AC 1 (SAB).

$¢> Cau 7. Cho hai bién ¢6 A va B. Bién c6 hop clia A va B 1a bién co:

(A) “A va B xay ra’..
“A hoac B xay ra’..
y

(©) “A xay ra”..
(D) “B xay ra hodc cd A va B x4y ra”..

[} /—[aog f/d/z(jzfa’zi. Theo dinh nghia, bién c6 hgp ctia A va B 1a bién c¢6 xay ra khi it nhat mot

trong hai bién ¢6 A hodc B xay ra.
Phat biéu tuong duong la “A hoac B xay ra”.
Vay chon dap an B.

> Cau 8. Gieo mot dong tién lien tiép ba lan. Goi A 1 bién ¢6: "It nhat mot 1an xudt hién mat
sap’. Xac suat ctia bién c6 A 1a

@) P(A)=2. P(A)=1. © P(A) = 1. D) P(A) = ;..
X Huong [/(Ul(jlﬁl Khong gian mau n(Q) = 23 = 8.
C
Bién c6 ddi ctia A 1a A: “Khong c6 1an nao xuat hién mat sap” (tic 1a cd 3 lan déu mat ngita).
A= (NNN} — n(d) = 1.

Xac suat bién c6 doi: P(A) = 1.
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Xac suat bién c6 A: P(A) =1— P(A) =

=
0|~

Vay chon dap an B.
¢ Cau 9. Mot hop c6 chiia 3 vien bi trang va 2 vien bi dé. LAy ngau nhién hai vién bi. X4c suat
dé c6 hai vien bi khac mau la
®2 ©1 ® 1
) =

[} /{u()ézy a,/(zf/z;j[(z)(ﬁ. S6 cach 1ay 2 vien bi bat ky: n(Q) = C2 = 10.

S6 cach 1ay 2 vien khac mau (1 trang, 1 dd): n(A) =Cs-C3 =3 -2 =6.

Xac suat: P(A) = & = 2.

Vay chon dap an C.
¢ Cau 10. Trong cac phat biéu sau, phat biéu nao la dang?

(A) Néu y = f(z)
Néu y = (33)
(© Néuy = ( ) khong lien tuc tai zo thi n6 c6 dao ham tai diem dé..
(D) Néu y = f(z) lien tuc tai xo thi n6 c6 dao ham tai diém do..

[} Hl(’()’él/f a/(m(jmz,, Chon A.

c6 dao ham tai o thi né lien tuc tai diém dé..
c6 dao ham tai zo thi né khong lien tuc tai diém dé..

¢ Cau 11. Dao ham ctia ham s6 y = 322 + v/2z 1a

@ 62 + .. ® 6z + 5= © 6z + .. © 62 + 57
[ Hmm a/(a/z(jzm Ta 6y = (322) + (V2x)' = 6z + (\ﬁ) 6 + 2\ﬁ = 6z + \ﬁ

Vay chon dap an C.
¢ Cau 12. Dao ham cap hai ctia ham s6 y = 2 — cosz 1a

(A) cos.. —COST.. © 1-—sinz.. (D) 1+sinz..
(&) /‘[mf?y f/a’/yzf(ézf, y=1—(—sinz) =1+sinx.

y" = (1 +sinz)" = cosz.

Vay chon dap an A.

Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Méi i a) b) ¢) d)
thi sinh chon ding hodc sai

& Bai 1. C6 ba ngudi cling di cau ca. Xac suat cau duge ca clia nguoi thit nhat 14 0,5. Xac suat
cau dugc ca ciia nguoi thit hai 1 0, 4. X4ac suat cau dugde ca ctia ngudi thi ba 14 0, 3.

a) Xac suat dé c6 ding 1 ngudi cau dude ca bang: 0, 34.

b) Xac suit dé c6 ding 2 ngudi cau dude ca bang: 0, 29.

¢) Xac suat dé ngudi thit 3 luon luoén cau duge ca bang: 0, 3.

d) Xac suat dé c6 it nhat 1 ngusi cau duge ca bang: 0, 21.
(2} Huzfigﬁ din gidi. a) Sai; b) Ding; ¢) Ding; d) Sai.

Goi A la bién c¢6 "ngusi thit nhat cau dude ca". B la bién c¢6 "ngudi thit hai cau duge ca". C
1a bién c6 "ngudi thit ba cau duge ca".
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Ta c6: P(A) =0,5; P(B) =0,4; P(C) =0,3.

Suy ra P(A) = 0,5; P(B) = 0,6; P(C) =0,7.

a) Goi X la bién ¢6 "C6 dung 1 ngudi cau duge ca", sé xdy ra cac truong hgp sau:

+ Bién c6 1: Nguoi thit nhat cau duge ca, ngudsi thit hai va ngudsi thit ba khong cau dugce ca.
+ Bién ¢b 2: Nguoi thit hai cau duge cd, ngudi thit nhat va ngudi thit ba khong cau dude ca.
+ Bién ¢b 3: Ngudi thit ba cau dude ca, ngudi thit nhat va ngudi thi hai khong cau dude ca.
Vi 3 bién ¢6 nay xung khic va A, B, C' doc lap nén:

P(X) = P(ABC) + P(ABC) + P(ABC)

P(X) = P(A)P(B)P(C) + P(A)P(B)P(C) + P(A)P(B)P(C)
=0,5-0,6-0,740,5-0,4-0,74+0,5-0,6-0,3 =0, 44.

b) Goi Y 1a bién ¢6 "C6 dung 2 ngudi cau duge ca", sé xay ra cac truong hop sau:

+ Bién c6 1: Nguoi thit nhat va nguoi thit hai cau duge ca, ngudsi thit ba khong cau dugde ca.
+ Bién c¢b 2: Nguoi thit hai va ngudi thit ba cau dude c4, ngudi thit nhat khong cau dude ca.
+ Bién ¢b 3: Nguoi thit nhat va ngudi thit ba cau duge cé, ngudi thit hai khong cau dude ca.
Vi 3 bién ¢6 nay xung khic va A, B, C' doc lap nén:

P(Y) = P(ABC) + P(ABC) + P(ABC)

P(Y) = P(A)P(B)P(C)+ P(A)P(B)P(C) + P(A)P(B)P(C)
=0,5-0,4-0,740,5-0,4-0,34+0,5-0,6-0,3 =0,29.

¢) Goi Z la bién ¢6 "Nguoi thit 3 luon luon cau duge ca", sé xdy ra cac truong hop sau:

+ Bién ¢6 1: C& ba nguoi déu cau dugc ca.

+ Bién ¢d 2: Ngudi thit nhat cau dude c4, nguoi thit hai khong cau duge ca, ngudi thit ba cau
duge ca.

+ Bién ¢b 3: Ngudsi thit nhat khong cau dude ca, ngudi thit hai cau dugce ca, ngudi thi ba cau
dugc ca.

+ Bién ¢6 4: Nguoi thtt nhat va thit hai khong cau duge ca, nguoi thit ba cau duge ca.
Vi 4 bién ¢6 nay xung khic va A, B, C' doc lap nén:
P(Z) = P(ABC) + P(ABC) + P(ABC) + P(ABCQ)
P(Z) = P(A)P(B)P(C)+ P(A)P(B)P(C) + P(A)P(B)P(C) + P(A)P(B)P(C)
=0,5-0,4-0,3+0,5-0,6-0,34+0,5-0,4-0,3+0,5-0,6-0,3=0,3.
d) Goi T 1a bién c6 "Cé it nhat 1 ngudi cau duge ca", suy ra T 1 bién ¢6 "Ca 3 ngusi khong
cau dugc ca".
P(T)=1-P(T)=1-P(ABC)=1-0,5-0,6-0,7=0,79.
r—2
r—1

& Bai 2. Cho ham s6 f(x) =

a) f'(5) = lim flw) = /6)

r—5 ;1;‘—5
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b) f(z) = 5,V # 1.

1
(z—1)
c) He s6 goc clia tiép tuyén tai diém c6 hoanh do biang 2 1a k = 1.

d) Phuong trinh tiép tuyén ctia dd thi ham s6 y = f(z) tai giao diém ctia d6 thi véi truc hoanh
d:y=z+2.

(2} Hm)y c/é;yz'dz'. a) Dung; b) Ding; c¢) Ding; d) Sai.

b) Ta c6: f'(z) = o= 2 _(1;__1(;_ D= - (le)QavI # 1.

c¢) Hé s6 goc clia tiép tuyén tai diém c6 hoanh do bing 2 1a k = f/(2) = 1.

d) Do thi cat truc hoanh tai diém A(2;0).

Phuong trinh tiép tuyén ctia do thi ham s6 y = f(x) tai A(2;0)lad:y—0= f'(2)(z —2) &
y=x—2.

Phan III. Cau tra 16i ngan Thi sinh trd l0i tw cau 1 dén cau 4.
& Bai 1. Cho ham s6 y = % Tinh tong tat ca cac nghiém ciia phuong trinh 3 = 0.

[ /Z{u‘()/‘égj din gLl

—22422+3
(@37

Ta c6: y =
Licdé: y =0 a2 +22+3=0&2=—-1Va=3.
= Vay tong cac nghiém ctia phuong trinh 3/ = 0 1 2.

& Bai 2. Trong mot thiing phiéu boc tham tring thudng c6 30 14 phiéu duge danh s6 thi ty ti
1 dén 30. Nguoi ta rat ra tit thung phiéu mot 14 tham bat ki. Tinh x4c suat clia bién c¢6 "La tham
riat dude c6 s6 thit tu chia hét cho 4 hodc 5".

[} Hmfy (/(5/71’(2’,[.

Goi A 1a bién ¢6 "La tham rat duge cé sé thi tu chia hét cho 4".

Tu 1 dén 30 ¢6 7 két qué thuan 1¢i cho bién ¢6 A, nén P(A) = +.
Goi B 1a bién c¢6 "La tham rat duge c6 sd thi tu chia hét cho 5".
Tu 1 dén 30 ¢6 6 két qua thuan 1¢i cho bién ¢6 B, nén P(B) = 3.
Mot s6 chia hét cho ¢ 4 va 5 thi né chia hét cho 20, tir 1 dén 30 ¢6 1 két qua, nén P(A.B) = 4.
Vay P(AUB) = P(A)+ P(B) - P(AB) =L+ &£ - L =2=0,4.

& Bai 3. Hai cau tha stut phat dén. Méi ngusi da 1 lan v6i xac suat lam ban tuong tng 1a 0,8 va

0,7. Tinh xac sudt dé c6 it nhat 1 cau thi lam ban.

[ /‘[mf/(y f/(?/i/fzfd[.
Goi A 1a bién ¢ cau thi thi nhat lam ban.
B 1a bién c6 cau thu thit hai [am ban.
X 1a bién cb it nhat 1 trong hai cau thi lam ban.

Tacé: X = (ANB)U(ANB)U(ANB).
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= P(X) = P(A).P(B) + P(B).P(A) + P(A).P(B) = 0, 94.

& Bai 4. Cho khdi chép S.ABCD c6 day 1a hinh vuong canh 3, SA vuong goc véi day va khoang
cach tit A dén mat phang (SBC) bing %ﬁ Tinh thé tich V ctia khéi chop da cho.

[} Hmfy din oidi.

C

Ké AH vuong goc SB.
Ta c6 AH 1 (SBC) nén AH chinh la khodng cich tit A dén mat phang (SBC).

L1 1 1 111 _
Taco =gt S se =2 a2 — 2A=3

Vay thé tich can tinh 1a V = 1SA - Sapep =5 -3-32 =9,
Phan IV. Ty luan Thi sinh trd i tic cau 1 dén cau 4. Thi sinh trinh bay 100 gidi chi tiét

& Bai 1. Ban A mudn lam cic vién nuée da c6 dang khoi chop cut tit giac déu c6 day 16n bang
3 cm, day nho bang 1,5 cm va cao 3 cm bang cach diing khay da, mdi khay sé tao duge 6 vien da.
Hoéi ban A can it nhat bao nhiéu khay dé chita dong thoi 2 lit nude?

ﬁ&Af&a%?cZ%z7AM,7B1c62l::20000n§.

Thé tich mdt vien nuée da la:
1 1 63
V==she (S+84+VS S) =23 (#4157 + /3 1,52) = — em®.
3 3 4
2000
63
4

Tt 2 lit nuée c6 thé tao ra sé vien da 1a

~ 127 (vién).

Ta c6: 127 : 6 ~ 21,2 (khay d4).
Vay can it nhat 22 khay nuéc dé chita dong thoi 2 lit nudc.

& Bai 2. Ba nguoi cling ban vao 1 bia. Xac suat ban tring dich ctia nguoi thi nhat, thit hai, thit
ba lan lugt 1a 0, 7; 0, 6; 0, 8. Tinh xac suat ctia bién ¢6 "Chi c¢6 hai ngusi trong ba ngusi ban tring
dich".

(&) Hwo‘éz/c /(i/z(jid[. Goi A 1a bién c¢6 ngudi thit nhat ban trang bia.
B 1a bién ¢6 nguoi thit hai ban trang bia.
C' la bién c6 nguoi thit ba ban traung bia.
D 1a bién c6 chi c¢6 hai ngudi trong ba ngudi ban tring dich.

Khi d6: P(A) = 0,7 va P(A) =0,3; P(B) =0,6 va P(B) =0,4; P(C) =0,8 va P(C) =0, 2.
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Xac suat ctia bién ¢d D la:

P(D) = P(A)-P(B)-P(C)+ P(A)-P(B)- P(C)+ P(A) - P(B) - P(C)

P(D)=0,7-0,6-0,2+0,7-0,4-0,8+0,3-0,6-0,8=0,452.
& Bai 3. a) Cho ham s6 y = e” cos x. Chiing minh: 2y’ — y” = 2e” cos z.

b) Cho ham s6 y = f(x) c6 dao ham trén R va thoa man f(2) = 3, f/(2) = —5. Viét phuong
trinh tiép tuyén ctia do thi ham s6 g(z) = zf(x) tai diém c6 hoanh do x = 2.

[ Huogzj (/{5)1(,7[(217. a) Ta co: v = (e*) cosx 4 e®(cos )’ = e” cosx — e sinx = e”(cosz — sinx).

y" = (e*)(cosz —sinz) +e*(cosx —sinz)’ = e® cosx —e”sinz — e sinx —e” cosx = —2e” sin z.
= 2y —y’ = 2e" cosx — 2e” sinx + 2e” sinx = 2e” cos .

b) Taco ¢'(x) = f(z)+z- f'(x) — ¢(2) = f(2)+2 - f(2)=3+2-(-5) = —T.

Phuong trinh tiép tuyén can tim Ia:

y=q©2) - (x—2)+g2) =—-Tx—2)+2-f(2) = =Tz + 1446 = —7z + 20.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DPE SO 11 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

£ . — f(2
¢ Cau 1. Cho ham s6 y = f(z) c6 dao ham trén R. Két qua lim J@) = /@)

T—2 €Tr —
@ 32 f(2). © f(2). ® 2f'(2).
[} Hu’o/‘% a/(?/yz'dz'. Theo dinh nghia dao ham ctia ham s6 tai mot diém zg: f/(zo) = lim
— f(2
Véi xg = 2, ta co lim J) = 12) = f'(2).
x—2 xr — 2

$> Cau 2. Biét ham s6 mil y = a®,a > 0, ¢6 do thi nhu hinh bén dudéi:

bang

Khéng dinh nao sau day ding?

@A) a=1. ® 0<a<l. © a<0. D) a> 1.
[} Huoéy a./af;z(yzfd,zi. Dita vao do thi, ta thiy ham s6 y = a® dong bién trén R (dudng biéu dién di
len tir trai sang phai). D6i véi ham s6 mil, ham s6 dong bién khi va chi khi co s6 a > 1.

> Cau 3. Trong khong gian, qua diém O cho trudce, c6 bao nhidu mit phing vuong géc véi dusng
thang A cho trugc?

@) 1. Vo s6. © 3. D) 2.
[} Hm}y z/r’e‘”njz’fézl Trong khong gian, qua mot diém cho trudc c¢6 duy nhat mot mat phing
vuong géc véi mot dudsng thang cho trude.
¢ Cau 4. Nghiem ctia phuong trinh 23275 = 16 1a
@A) x =3. ® z=2. © x=T. D z=3.
N lucong c/@*‘,l(, giai. Taco: 2% =162 =2 e dr-5=4e3r=9er=3

¢ Cau 5. Trong mot ki thi c6 60% thi sinh d6. Hai ban A, B ciing du ki thi d6. Xéac suat dé chi
c6 mot ban thi dé bang

@A) 0,24. 0, 36. © 0,16. (D) 0,48.
[ Hzm‘/(y a/(f/i/mfa’zf. X4c suat thi dé ctia moi ban 1a 0,6, xac suat thi hong 1a 1 — 0,6 = 0,4.

Bién c6 "chi c6 mot ban thi dd" gom hai truong hop:
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- Ban A d6, ban B héng: 0,6 x 0,4 = 0, 24.
- Ban A héng, ban B d6: 0,4 x 0,6 = 0, 24.
Xac suat can tim 1& 0,24 + 0,24 = 0, 48.

¢ Cau 6. Dao ham cta ham s6 y = In(z? + 2 + 1) 1a
@y = V' =~ G
© -2 © -,
(&) /—[uzfézj din gici. St dung cong thic (Inu) = “ ta co:

(4z+1) 2541
y T z?4z+l T 2?4+l

$> Cau 7. Cho A va B la hai bién ¢6 doc lap. Ménh dé nao duéi day ding?

(A) Hai bién c6 A va B khong doc lap.
Hai bién c¢6 A va B khong doc lap.
(C) Hai bién c6 A va B doc lap.
(D) Hai bién c6 A va AU B doc lap.
[} /Zz’mw(/c r/(?/z(j)zfdzf. Néu hai bién c6 A va B doc lap thi cac bién c6 ddi clia ching ciing doc lap

v6i nhau va doc lap vé6i bién ¢d ban dau. Do d6 A va B doc lap.

$> Cau 8. Mot hop dung 10 tam thé cing loai danh s6 tit 1 dén 10. Rat ngau nhién mot tam thé
trong hop d6. Goi A 1a bién cb: "Rut duge tam thé ghi s6 nho hon 5", B 1a bién c6: "Rut duge
tam thé ghi s6 1&". S6 phan ti cia AU B 1a

@) 4. 7. © 6. D) 5.
o Hmf?j a,’(z“%z;;z, A={1,2,3,4}, B={1,3,5,7,9}.
Khi d6 AU B = {1,2,3,4,5,7,9}. Tap hop nay c6 7 phan ti.
$> Cau 9. Cho hai bién ¢6 A va B. Khing dinh nao sau day ding?

(A) P(AUB) = P(A) + P(B).

P(AUB) = P(A)+ P(B) — P(AB).

(© P(AUB) = P(A) — P(B).

(D) P(AUB) = P(A) + P(B) + P(AB).
[} Ha‘o‘igﬁ f/a\“/szf[z'zi. Theo cong thitc cong xac suat tong quat: P(AUB) = P(A)+P(B)—P(ANB).
Ky hiéu AB tuong duong v6i AN B.
$> Cau 10. C6 hai hop chita cac vién bi. Hop thit nhat chita 4 bi xanh, 3 bi do6. Hop thit hai chita
5 bi xanh, 2 bi d6. Goi bién c6 A 1a "Ban An lay ngau nhién mot vién bi xanh tit hop thit nhat",
bién ¢6 B 1a "ban Binh lay ngdu nhién mot vién bi xanh tit hop thit hai". Tinh P(AN B).

T ® sior- © - © -

e lucong f/afnda:aiz. P(A) =24 va P(B) = 2.

Vi hai viéc lay bi la doc lap nen P(ANB) = P(A)- P(B) =3 -2 =2.

¢ Cau 11. Cho ham s6 y = f(x) xac dinh tréen R théa man lim J@) = /@) = 2. Két qué ding

z—3 Tz —3
la

@ f'(2)=3. f'x) = 2. © f(x)=3. © f'(3) =
(2} /-[uz)‘y din gidi. Gioi han lim Jlw) = fo) chinh la dao ham f'(xo).

T—rx0 T — xo
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o) day x¢g = 3, nén f'(3) = 2.
¢ Cau 12. Cho ham s6 y = 2v/22% + x — 5. Tinh /(2)

® 7 2v/5. © 5% ® V5.
2 2 _ / 4 1
(&) Ha()/y a,/rz‘”/%[dzi. y =2- (22" +z—5) = T )
: 222+ -5 V224 x-5
4(2) + 1 9

Thay x = 2: ¢/(2)

T 2@ +2-5 6

Phan II. Cau tric nghiém dang sai Thi sinh trd [oi ti cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai
& Bai 1. Cho hinh chép S.ABC ¢6 day la tam giac vuong tai B, AB = a, BC = 2a, SA vudng
gbc v6i day. Biét SC hop véi mat day mot goc 60°. Xét tinh ding/sai clia cac khang dinh sau:

a) (SC; (ABC)) = SCA.

b) d(SA; BC) = aV/2.

c) SA = a\/15.
V1543
d) Vsape = 5

[} /‘[uoizj a,/(‘z‘N/z, lal.

a) Ding.
Do SA 1 (ABC) nén AC la hinh chiéu vuong goc ctia SC trén (ABC).
Suy ra: (SC; (ABC)) = (SC; AC) = SCA = SCA = 60°.

b) Sai.

Ta co: {Zé’iil; — d(SA; BC) = AB = a. (Khéng dinh cho av/2 la sai).

c) Dung.

Xét tam giac ABC vuong tai B: AC = VAB? + BC? = \/a2 + (2a)2 = av/5.

Xét tam giac SAC vuong tai A: tanS/C?l = % & SA = AC-tanS/C?l = av/5-tan 60° = a\/15.
d) Ding.
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1 1
Ta c6 dién tich day: Sapc = §AB - BC = 5@ 2a = a®.

2 . 1 1 15a3
The tich khoi choép: Vg ape = gSA - Sapc = 3 av15-a® = \/ga .
& Bai 2. Cho ham s6 y = 22 — 322 + 42 — 1. CAc ménh dé sau dung hay sai?

a) C6y = 6x? — 6z + 4.

b) y'(—3) = 67.

c¢) Phuong trinh tiép tuyén ctia do thi ham s6 tai diem M(1;2) 1a y = 4 + 2.
)

d) Mot vat chuyén dong c6 phuong trinh 1a s(t) = 2% — 3t> + 4t — 1 (m) trong d6 ¢ 1a thoi gian
tinh bing giay, thi van tdc tic thoi clia vat tai thoi diém ¢ = 3 (s) bang 40 (m/s).

[ Huozlj (/{E/z;j[dzﬁ. a) Ding.

Ta c6: v = (22 — 322 + 42 — 1) = 622 — 62 + 4. Suy ra ménh dé a) dung.

b) Sai.

Ta c6: y'(=3) =6 (=3)> —6-(—3) +4 =54+ 18 + 4 = 76. Suy ra meénh dé b) sai.

c) Sai.

Ta c6: 3/(1) = 6(1)% — 6(1) + 4 = 4. Tai diém M (1;2), phuong trinh tiép tuyén ctia do thi ham

y=vy()-(z—-1)+y(l)ecy=4r—-1)+2<y=4r — 2.

Suy ra ménh dé c) sai.

d) Ding.

Van toc tie thoi cia vat la v(t) = §'(t) = 62 — 6t + 4 (m/s).

Khi d6 tai thoi diém t = 3 (s), vat c6 van toc la: v(3) =632 —6-3 +4 =40 (m/s).
Suy ra ménh dé d) dang.

Phan III. Cau tra 16i ngan Thi sinh trd oi tu cau 1 dén cau 3.

& Bai 1. Khdo sat hoc sinh 16p 11A1 tai truosng THPT X, ¢6 54% hoc sinh giéi mon Van, 68%
hoc sinh giéi mon Toan va 7% hoc sinh khong gi6i ca hai mon nay. Chon ngau nhién mot hoc sinh
trong 16p. Tinh xac suat dé hoc sinh dé gidi ca hai mon Toan va Van.

X Lm/?f [/(Uijlm
Goi A: “Hoc sinh d6 gioi mon Van”; B: “Hoc sinh d6 gioi mon Toan”,
AB: “Hoc sinh d6 khong gidi ca hai mon Van va Toan™;
Theo dé bai, ta c6 P(A) = 0,54; P(B) = 0,68; P(AB) = 0,07.
Xac suat dé hoc sinh d6 giéi it nhat mot trong hai mon Van hosic Toan la:
P(AUB)=1-P(AB)=1-0,07=0,93.
Xac suat dé hoc sinh d6 giéi ca hai mon Van va Toan la:
P(AB)=P(A)+ P(B)— P(AUB) =0,54+0,68 — 0,93 =0, 29.
& Bai 2. Mot chuyén dong c6 van téc duge biéu dién theo do thi hinh béen. Tinh gia téc clia
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chuyén dong tai thoi diém ¢ = 1(s).

[ Ha(fiy (z&?}y[éi.
v(t)

9 ,,,,,,,,,,,,,

0 2 3 t
Do thi ctia van toc 1a mot Parabol c6 phuong trinh v(t) = at? + bt + c.

Trén hinh vé dd thi qua cac diem (0;3), (2;9), (3;0) nén c6 he phuong trinh:

4da+2b=6 a=—4
9¢+3b=-3 & (b=11
c=3 c=3

Do d6 phuong trinh ctia van toc 1a v(t) = —4¢? 4+ 11t + 3.
Gia toc ctia chuyén dong la dao ham ctia van toc: a(t) = v/'(t) = —8t + 11.

Vay gia toc tai thoi diem ¢ = 1(s) 1a: a(1) = =8 - 14 11 = 3 (m/s?).

& Bai 3. Mot chiéc 1ong den kéo quan c6 hinh lang tru luc gidc déu véi canh day 8 cm. Biét tong
dien tich cac miit bén ctia chiée 16ng den nay bing 1536 cm?. Tinh thé tich ctia chiéc 1ong den dé

(don vi cm®, quy tron dén hang don vi).

_______

[ Hmfy dén oidi.

C
Goi h 1 chiéu cao ctia chiéc 1ong den.

Theo dé bai: 6-8 - h = 1536 = 48h = 1536 = h = 32 cm.
8%V/3
4
Thé tich ctia chiéc 1ong den d6 14 V = S - h = 96/3 - 32 &~ 5320, 86 cm®.

= 96+/3 cm?.

Dién tich mit day ctia chiée long den 14 S =6 -

Quy tron dén hang don vi ta dude V =~ 5320 cm?.
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& Bai 4. Cho ham s6 y = v4x — 22. Tim s6 nghiém nguyén ctia bat phuong trinh ¢’ < 0.
[} Haoiy (z,/(glyz'(z’,,z'.
Tap xéac dinh: D = [0;4].
(4o —a%)  4-22  2—x
0Ar — 22 2/Ax — a2  Ax —2?

2—x <0 2—x2<0
Vixr — a2 4o — 22 >0

Doz € [2;4) va x € Z nén z € {2;3}.

Ta co: y =

Lac dé: y <0<

Vay bat phuong trinh c¢6 2 nghiém nguyén.
Phan IV. Ty luan Thi sinh trd 1oi ti cauw 1 dén cau 3. Thi sinh trinh bay 0i gidi chi tiét

& Bai 1. Mot cai hop hinh lap phuong, bén trong né dung mot mo hinh do choi ¢6 dang hinh chép
tit giac déu ma dinh cta hinh chép dé tring véi tam ciia mot mit chiée hop, gid sit hinh vuong
day ctia hinh ch6p trung véi mot mit ctia chiée hop (mit nay cliing véi mat chita dinh hinh chop
13 hai mat ddi nhau). Biét canh ctia chiéc hop bing 30 cm, hay tinh thé tich phan khong gian bén
trong chiéc hop khong bi chiém bdi mo hinh do choi dang hinh chép (mo hinh do6 choi duge lam
béi chat lieu nhya dic bén trong).

[ /'[u‘o/‘igﬁ disn 0lal.

Thé tich cai hop (khéi lap phuong) 1a: Vi = 30° = 27000 (cm®).

Xét do choi c6 dang hinh chép tit gide déu, chiéu cao ciia hinh chép bang véi mot canh clia
hinh 1ap phuong, hay h = 30 cm, day ctia hinh chép c6 dien tich S = 30?2 = 900 cm?.

2 Z N Z ~ ]_
Thé tich khi a9 choi (khdi chop b gidc déu) la: V; = 2Sh = 900 - 30 = 9000 (cn®).
Thé tich phan khong gian bén trong chiéc hop khong bi chiém bdi mé hinh do choi dang hinh
chép: V = Vi — Vi = 27000 — 9000 = 18000 (cm®).

& Bai 2. Trong phong hoc ciia An c6 ba béng den va xac suat héng ciia ching lan lugt bang
0,05;0,04;0,03. Chi can c6 mot bong den sang thi An van c¢6 thé lam bai tap duge. Tinh xac suét
dé An c6 the lam bai tap, biét tinh trang (sang hodc bi héng) ctia mdi bong dén khong anh hudng
dén tinh trang cac béng con lai.

o Hecong fz/affgjzf(z,zt. Goi A;(1 <i < 3,ieN)labién cb: "Béng den thit i séng binh thuong”.
RO réng Zl,zg, zg d@C lap
An khong thé lam bai tap néu ca ba béng den bi héng, khi dé:
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P(AAyAs) = P(A)) - P(Ay) - P(A3) = 0,05- 0,04 0,03 = —>

50000
Goi P la xac suat dé An c6 thé lam bai, ta cé:

o 3
P=1-P(A1AA3) =1— —— =0,99994.
(A1424;) 50000 ’

& Bai 3. Cho ham s6 y = Va2 + 4z + 9 ¢6 do thi (C).

a) Tinh y'.

b) Viét phuong trinh tiép tuyén ctia do thi (C) tai diém A(0; 3).
e Hmy (/@/zdcz'(iz'. a) Tap xac dinh: D = R.

244 9) 2 4 2
Ta co: y’=<\/x2+4x—|—9>/: (2" + 42 +9) = z+ =y L
2val+4x+9 2V 4 4x+9 Vit +4r+9
b) Tiép tuyén ciia (C) tai diém A(0;3) ¢6 he s6 goc 1a k = ¢/ (0) 0+ 2 2
iép tuyén cia ai diem :3) ¢6 he sO goc la k = = —.
P ' & Y 024+4-04+9 3

) ) . . 2 2
Phuong trinh tiép tuyén ctia do thi (C) tai diem A(0;3) la: y = 5(‘76 —0)+3<ey= 37 + 3.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 12 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Tap x4c dinh ctia ham s6 y = log z 13

@) [1;+00). (0; +00). © [0;+00). D) (1;+00).
[} Hwo‘y f/('z??ﬁzfézi. Ham s6 16garit y = log,  xac dinh khi biéu thitc dusi dau légarit duong, titc

la x > 0.
Vay tap xac dinh ctia ham s6 1a D = (0; +00).

z2—2x—3
¢S Cau 2. Nghiém clia phuong trinh (5) =571 14

@A) z=-lz=2. Vo6 nghiém.
© x=12=2 D) z=1;2=-2.

2
1 r°—2x—3 2o
o Hecong a/(;wz(g(; Ta c6: (g) = 5t e (57T T8 2 et

5T — 5l o a2 L 2 43 =0+ 1
r=-—1

T =2

Vay tap nghiém ctia phuong trinh 1a {—1;2}.

<:>x2—x—2:0<:>[

$> Cau 3. Néu lim, .3 Lg(?’) = 7 thi ta két luan
v

® 1) =3 £(1) =0, GN{UEE! ® 1) -1
f(x) ~ fw0)

e Jlicong (/(E/é/cz'(ézf. Theo dinh nghia dao ham ctia ham s6 tai mot diém: f(zq) = lim,_,
r — Xy

f(x) — f(3)
x—3
¢ Cau 4. Cho hinh chép S.ABC ¢6 SA L (ABC), tam gidc ABC déu canh a vd SA = a. Tim

géc gitta SC va mit phang (ABC).
@) 45°. 90°. © 30°. ©) 60°.
[ Ha’o/‘/z7 z/(?/z(jzfézf. Vi SA L (ABC) nén AC la hinh chiéu vuong goc ctia SC' trén mat phang
C
(ABC).
Do dé goc gitta SC va (ABC) 1a géc SCA.
Trong tam gidc SAC vuong tai A, ta ¢ tan SCA =

V6i mo = 3, ta ¢6 f/(3) = lim,_,3 =7

SA a —
22 % 15 SCA =45
AC a7
¢ Cau 5. Tinh dao ham ctia ham s6 y = 23 4+ 22 + 1

@) y = 32 + 2. ® y =322 +2.
© v =322 + 2z + 1. Dy =2 +2.
(2} Huo‘n(j a/(m(jzm Stt dung quy tac dao ham: (z") = nz""! va () =1, (¢) = 0.
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Ta c6 ¢y = (23) + (2z) + (1)) = 322 + 2.
> Cau 6. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuong tam O, SA L (ABCD). Khang

dinh nao sau day sai?

@) (SBC) L (SAB). (SAB) L (ABCD,).

© (SAC) L (ABCD). (D) (SAC) L (SAD).
e/ licong f/a#,z(jz(z(; - Vi BC' L AB va BC L SAnéen BC 1 (SAB) = (SBC) L (SAB). Vay A
ding.
-ViSA 1L (ABCD) va SA C (SAB) nén (SAB) L (ABCD). Vay B dung.
- Vi SA L (ABCD) va SA C (SAC) nén (SAC) L (ABCD). Vay C dung.
- Xét goc gitta (SAC) va (SAD): CD 1 (SAD) nén hinh chiéu cta (SAC) trén (SAD) la dudng
thing SD. Géc giita hai mat phing nay khong phai 90° vi AC khong vuong goc véi AD. Vay D
sai.

¢S Cau 7. Cho hinh chép S.ABC' ¢6 day 1a tam giac vuong tai B; SA L (ABC'). Géc gita (SBC)
va (ABC) la gbc nao?

® §BC. 5BA © 50B. ©) 504
[} /Z{a‘()/‘/gj a/rfléj[dzf. Ta c6 (SBC)N (ABC) = BC.

Ma BC 1L AB (day vuong tai B) va BC L SA (do SA L (ABC)).

= BC 1 (SAB) = BC 1 SB.

Vay goc gitta hai mat phang la goc gitta hai dudng thing SB va AB (cting vudng goc véi giao
tuyén BC tai B), d6 la goc SBA.

6> Cau 8. Tim tap nghiem S clia bat phuong trinh logy (z + 1) < logs (22 — 1).

1
@A) S = (—0;2). 5’:<§;2>.
© S = (2;+00). D) S =(-1;2).
, N 1>0 —1
O Hwono din gici. Dieu kién: vl & v S x> 1
J T 2 —1>0 z>1 2

. 1 .
Vicosoa= 3 < 1, bat phuong trinh tuong duong véi:
r+1>2r—12>r <2
. . 1
Két hop dieu kién, ta duge tap nghiém S = (5, 2).

$> Cau 9. Vi trf clia mot vat chuyén dong thang duge cho bdi ham s6 s(t) = t* — 6t + 9¢, trong
dé t tinh bing giay va s tinh bang mét. Van toc clia vat tai thoi diem ¢ = 4 giay 1a

() 6 m/s. 7 m/s. © 8 m/s. (D) 9 m/s.
[ HUO/W (z/(E)ifzké,zi, Van t6c tiic thoi la dao ham ctia quang dudng theo thoi gian: v(t) = §'(¢) =
3t* — 12t + 9.
Tai t = 4, van toc clia vat A v(4) =3-42—12-44+9=48 —48+9 =9 m/s.
¢ Cau 10. Cho ham 86 y = 23 — 322 + 2. Viét phuong trinh tiép tuyén ctia do thi ham sb tai giao
diém v6i duong thang y = —2.

@A) y=-9r+ Ty =—2. ®B) y=—2.

©y=9z+T;y=—-2. DO y=92+Ty=2
[ Ha‘o/‘/zj f/ffzzjz'a’zf. Hoanh do giao diém la nghiém ctia phuong trinh: 23 — 322 +2 = -2 &

» Sww lary va Bién soan: Lé 7’&,'/2/( }(/((z - 0399653362 129



130

3 —32°+4=0

r=—1
S@+1)(r-2?2=0s :
T =2

Dao ham ¢/ = 322 — 6.
-Véirz=—-1=y=-2y(-1)=9.PTTT: y =9z +1)—2=92 + 7.
-Véirz=2=y=-2,4(2)=0.PTTT: y =0(z —2) — 2 = —2.
Vay cac tiép tuyén la y = 92 + 7 va y = —2.
¢ Cau 11. Cho hinh chép S.ABCD ¢6 day ABCD la hinh chit nhat, AB = a, AD = 2a,SA
vuong géc véi day vi SA = av/3. Thé tich ciia khéi chop S.ABCD biang
4+/3a® 2v/3a3
@ fg“ . 4/3a?, © \/3_“ . ©) 2v/3°.
[} Hu‘o‘y a,/(‘z“/zy[dzi, Dién tich day hinh chit nhat ABCD la: Sapcp = AB - AD = a - 2a = 2a°.
C

2\/_a

. . 1 1
Theé tich khoi chép la: V = gSABCD - SA = 3 a3 =

¢ Cau 12. Lop 11A8 truong THPT X ¢6 25 hoc sinh nam va 20 hoc sinh nit. Chon ngau nhién
dong thai hai ban tit 16p nay dé tham du cude hop ciia truong. Tinh x4c suat chon duge hai ban
c6 cling giéi tinh dé di du cude hop.

19 10 49 29

50 ® 33 50 g
[} Hav‘égy dén jmf'zf. Tong s6 hoc sinh 1a 25 + 20 = 45. S6 cach chon 2 hoc sinh bat ky 1a
n(Q) = C%, = 990.
Bién ¢6 A: "Chon dugce hai ban cuing gi6i tinh" (cing nam hodc cing nit).
S6 cach chon 2 nam 1a C = 300.
S6 cach chon 2 nit 1a C%, = 190.
= n(A) =300 + 190 = 490.

PN 490 49
Xéc suat can tim la P(A) = =

990~ 99°
Phan II. Cau tric nghiém diang sai Thi sinh trd 10i to cau 1 dén cau 2. Méi i a) b) ¢) d)
thi sinh chon dung hodc sai

. . 6
& Bai 1. Cho khoi chép ti giac deu S.ABCD ¢6 AB =a,5A = %. Xét tinh dung sai cua cac

khang dinh sau:

a) Chiéu cao ctia khoi chép S.ABC'D bang M
, ) . 3\/_
b) The tich ctia khoi chop S.ABCD bang 5

c¢) S6 do goc gitta dudng thiang SA va mat phang (ABCD) bing 30°.

. s . 15
d) Cosin cia s6 do géc nhi dién [S, CD, B] bang %
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[} Hmfy f/d/z( Gl

Goi O = ACNBD. Vi SSABCD 1a chép tii gide déu nén SO L (ABCD).

TacéAoza\/ﬁ:sAoza\f.

Xét tam giac SOA vudng tai O:

GRS

a) Dung.

, av6 _ a’Ve
6 18

Thé tich khéi chop: V = —SABCD SO = 3

b) Sai.
Géc gitta SA va (ABCD) 1a géc SAO.

A0 _av2/2 _3V2 3 V3 _ o o

Ta ¢6 cos SAQ = — — _ _
a cO cos A a\/€/3 G 23 5

c) Dung.

Goc nhi dién [S,CD B] la géc gitta mat bén (SCD) va mat diay (ABCD). Goi M la trung
diém CD, goc do 1a SMO.

2 2
1
TacéOM:g,SM:\/SOZJrOM?: %+“Z=‘“/_5.
cosso =M _ @2 _ 3 _ VIS
SM ~ o/15/6 V15 5
d) Sai.

& Bai 2. Mot tai xé dang 14i xe 6 t0, ngay khi phat hién c6 vat cdn phia truéc da phanh gap
lai nhung van xay ra va cham, chiéc 6 t6 dé lai vét truct dai 20,4 m (tinh tit lic dap phanh dén

khi va cham). Trong qué trinh dap phanh, & t6 chuyén dong theo phuong trinh s(t) = 20t — §t2
(0 <t <4). Xét tinh dang sai clia cac ménh dé sau:

a) Van toc tic thoi ctia 6 t6 ngay khi dap phanh 1a 20 (m/s).

b) Xe 0 t0 trén chua chay qué toc do, (toc do giéi han cho phép 1a 70 (km/h)).

c¢) Thoi diém x4y ra va cham céach thoi diém bat dau dap phanh 6,8 giay.
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d) Van toc tiic thoi clia 6 t0 ngay khi x4y ra va cham 1a 14 (m/s).

[ Hao/y (z/(glé/cz'(é,z'. Ham van toc ctia 6 t0 1a: v(t) = §'(t) = 20 — 5t.

a) Dung. Van toc lic bat dau phanh (¢t = 0) 1a v(0) = 20 (m/s).
b) Sai. Van toc luc bat dau phanh 1a 20 m/s = 20-3,6 = 72 km/h. Do 72 > 70 nén xe da chay
qué toc do.
c) Sai. Xe va cham khi di dugce 20,4 m, ta giai phuong trinh:
t=1,2
20t — 2,52 = 20,4 & 2,5t — 20t + 20,4 =0 & :
t=06,8 (loai vit <4)
Vay va cham xay ra sau 1,2 giay ké tit lic phanh.
d) Dung. Van téc tai thoi diem va cham (¢t = 1,2) 1a v(1,2) = 20 — 5(1,2) = 14 (m/s).
Phan III. Cau tra 18i ngan Thi sinh trd loi tic cau 1 dén cau 4.
& Bai 1. Khi khao sat tai mot 16p hoc ¢6 man hinh thong minh, ngusi ta thay c6 65% hoc sinh
thich xem bong da va 48% hoc sinh thich xem ca nhac trong gi nghi. Gia sit ddc diém thich hay
khong thich xem bong da khong anh hudng dén viec thich xem ca nhac. Gap ngau nhién mot hoc
sinh ctia 16p, x4c suat clia bién c6 hoc sinh d6 khong thich xem ci béng da va ca nhac 1a bao nhiéu
phan tram (%).

o Hu’o‘% ﬂ/{g/éﬂl'(il'. Goi A la bién ¢6 hoc sinh thich xem bong da, P(A) = 0,65 = P(A)

0, 35.

Goi B la bién ¢6 hoc sinh thich xem ca nhac, P(B) = 0,48 = P(E) =0, 52.

Vi 56 thich xem bong déa va ca nhac doc lap nén cac bién ¢6 déi A va B ciing doc lap.

Xéc suat hoc sinh khong thich xem ca hai mon (khong bong da va khong ca nhac) la:
P(ANB) = P(A)-P(B) =0,35-0,52 = 0,182 = 18, 2%.

& Bai 2. Dan s6 ctia Viet Nam nam 2009 1a 85 846 997 ngudi va nam 2019 1& 96 208 984 ngudi. St
dung mo hinh tang trudng mi S(n) = A-e™ (trong d6 A 1a dan s6 ctia nam 2009, S 1a dan sb sau
n nam ke tit nam 2009, r 1a t1 1é tang dan s6 hang nam) dé du doan xem vio nam bao nhiéu dan
s6 Viet Nam vuot ngudng 150 triéu nguoi.

e /lucong (/(g,z,jz(;zi. Léy nam 2009 1a méc (n = 0), ta c6 A = 85846 997.

Nam 2019 tuong ting v6i n = 10, dan s6 1a S(10) = 96 208 984.

06 208 984 06 208 984
Ta 6 phuong trinh: 96 208 984 — 85 846 997-e10r = (lor — 2020090 1 1 (—)
4 cO phuong trin ¢ T T 35846997 T 10"\ 85846907
0,0113955.
Dé dan sb vugt 150 trieu ngudi (S(n) > 150000 000):
150000 000 1 /150000000
85846997 - ™™ > 150000000 = ™ > — 0 L <—> ~ 48,97,
€= = 7 35846997 7 7 M\ 85846997

Vay sau khoang 49 nam ké tit nam 2009, dan s6 sé vugt ngudng 150 triu ngudi.

Nam du doan la: 2009 + 49 = 2058.

& Bai 3. Cho ham s6 f(z) =In (wTH) bat S= f'(1)+ f'(2) +--- + f/(2024). Tinh —20255.

o Hu‘o‘igy a’a“/’éj[d,{, Ta c6 f(z) =In(x 4+ 1) — In(x).
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1
Dao ham: f/(z) = 2+ — —.
T

1 1 1 1 1 1
S i 2024 [ 1 — (1 YT Y
KmdaS—Ekﬂ(mz—g)—(5—1)+<§_§>+”'+<m%_ﬁmm>

1 2024
1 .

2025 2025
2024)
Ay —20258 = —2025 - [ — 2% ) = 2024
Vay —20255 ( 2025
241

Bai 4. Cho ham s6 f(z) = ]
x
- f (z* 4+ 1) tai diém c6 hoanh do bang 1 1 az — 9y + ¢ = 0. Tinh gid tri a — c.

Xz

1
-&H@y&ﬁwﬁDmm@:ﬁ+—:umzzmw@pﬁﬁ—ﬁjwm:z

10

3

&

o Hwo‘n(j f/(z‘}zdm'dz'. a) Tinh dao ham ham s6 y = z

»

224+1 5 , 2(x +1) — (22 +1 22+ 22 —1 , 7
() i Uit = F@)=1

Taco f2) =577 =3 (x + 1)2 (z + 1)

s e e 5
Toa do diem tiép diem tai z = 1: y(1) = g(1) =12 f(u(1)) =1- f(2) = 3

Dao ham: ¢'(z) = 2z - f(u(x)) + 2% - f'(u(x)) - v/ ().

. . . 5
Hé s6 goc clia tiép tuyén tai z = 1: k = ¢'(1) :2~1~f(2)+12‘f’(2)~u’(1):2-§+1-g~2
14 44
9 9’
. > . 5 44
Phuong trinh tiep tuyen: y — 3= g(x— 1) 9y — 15 =44x — 44 & 440 — 9y — 29 = 0.

D6i chiéu véi ax — 9y +c =0, ta c6 a = 44 va ¢ = —29.

Gid tria —c =44 — (—29) = 73.

Phan IV. Ty luan Thi sinh trd 15i ti cau 1 dén cau 2. Thi sinh trinh bay loi gidi chi tiét
Bai 1. Tinh dao ham ctia ham sb:

a) y=1x°—cosz —T.

b) y= 2z — 1)vVa? + .

5 _cosx—T:

Ta c6: y' = (2°) — (cosz) — (7).

Ap dung céc cong thic dao ham co ban, ta dudc:

y =5xt — (—sinz) — 0 = 5zt +sinx.

b) Tinh dao ham ham s6 y = (22 — 1)vV22 +

Ap dung cong thic dao ham cia mot tich (wv) = u'v +uw', v6i u = 2o — 1 va v = Va2 + .
Ta co:

Y =2r—-1)Va?+r+ (22— 1) (\/,CEQ +x>/

:2\/x2+x+(2x—1)-M
2Vt +x
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Y e Gt LR

2V +x
Az + )+ (42 - 1)
N 2Va? +
B 822 +4x — 1
Co2va?tr

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong tam O, canh a. Biét SA L
(ABCD), géc giita duong thang SB va mit phang (ABCD) bing 60°. Tinh khodng cach gitta hai
dudng thing SO va AB.

o wr/% a}(flz(fz'd,zf;

Vi SA L (ABCD) nén AB la hinh chiéu ctia SB len (ABCD).

Do dé, géc gitta SB va (ABCD) 1a SBA = 60°.

Trong tam giac vuong SAB: SA = AB - tan60° = a/3.

Goi M, N lan lugt la trung diém ctia AD va BC. Khi d6 MN //AB v4 O € MN.
Ta 6 AB//MN C (SMN) = AB//(SMN).

Ma SO C (SMN), nén d(AB, SO) = d(AB,(SMN)) = d(A, (SMN)).

Tacé AB L AD va AB L SA = AB 1 (SAD).
Vi MN//AB = MN L (SAD) = (SMN) L (SAD).

Hai mat phang nay cit nhau theo giao tuyén SM.
Ké AK L SM tai K, suy ta AK L (SMN) = d(A, (SMN)) = AK.
Trong tam gidc vuong SAM (SA = a3, AM = g):

2
L1111 1413
AK?2  SA2 T AM?  3a2  (a/2)?  3a2 a2  3a2
P
= AK = gi:a\/@.
13 13
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Vay khoang cach gitta SO va AB la a\l/?i’)_9.
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 13 Moén: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Véi cac s6 thic a, b # 0 bat ki, rit gon bicu thitc P = 2log, a + log, b* ta dugc
@) P= logQ( ) P = log,(2ab?).

© P =log, (& ) : (D) P = logy(ab)?.
(2} Hmw(j c/(z/ijmz,. Ta c6 P = 2log, a + log, b%.

Dé biéu thtic 2log, a c6 nghia thi a > 0. Véi dicu kien a > 0, ta cé:
P = log, a* + log, b* = log,(a?b?) = log,(ab)?.
$> Cau 2. Cho hinh lap phuong ABCD.A'B'C'D’. Tinh goc gitta mat phing (ABCD) va (ACC'A").

@A) 60°. 45°. © 90°. (D) 30°.
[} Haog (z/(ﬁ)ifzf(é,zi. Trong hinh 1ap phuong ABCD.A'B'C'D’, ta ¢6 canh ben AA" | (ABCD).

Ma AA" C (ACC'A").

Do mat phang (ACC’A’) chita duong thang vuong goc véi mit phiang (ABCD) nen (ACC'A’) L
(ABCD,).

Vay goc gitta hai mat phéng bang 90°.
$& Cau 3. Cho hinh chép S.ABCD c¢6 SA L (ABCD) va day ABCD la hinh binh hanh. Chon
khang dinh ding trong cac khang dinh sau:

@) SA L CD. @) AC L BD. © AB L AC. ©) SA L SB.
[ Hw)ﬁ c/a“/ijz'(ézf, Vi SA L (ABCD) nén SA vuong géc v6i moi dudng thang nam trong mit
phang (ABCD).

Ma CD C (ABCD), do d6 SA 1L CD.
¢ Cau 4. Cho ham s6 y = 2° — 32* + 2 + 1 v6i 2 € R. Dao ham y” ctia ham s6 1a

@) y" = 5zt — 1223, y" = 202 — 3627

© y" =5z — 1222 + 1. D) y" = 202* — 362°.
o Hzm‘/(y f/d/i/mfa’zf. Dao ham cap mot: ' = (2° — 3z* + 2+ 1) = ba* — 1223 + 1.

Dao ham cap hai: 3’ = (5a? — 1223 + 1) = 2023 — 3622
¢ Cau 5. Cho hinh chép S.ABCD, ddy ABCD la hinh vuong canh a va SA L (ABCD). Biét
SA =28 Goc giita SC va (ABCD) la

@A) 45°. 75°. © 30°. (D) 60°.
[} Hmfy{y c/d/z(f[dzl Vi SA L (ABCD) nén AC la hinh chiéu vuong géc ctia SC' lén mit phing
(ABCD).
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Do dé, géc gitta dusng thang SC va mit phang (ABCD) la géc SCA.
Xét hinh vuong ABCD canh a, ta ¢6 dudng chéo AC = av/2.

av6

Trong tam giac vuong SAC, ta co: tan SCA = % = af’/i =

“[S

Suy ra SCA = 30°.

$® Cau 6. Cho tit dien déu ABCD. S6 do géc giita hai duong thang AB va CD la
@A) 60°. 45°. © 90°. (D) 30°.

[ Hmfy c/d/éﬁzfdzf. Trong mot ti dien déu, cac cip canh doi dién luon vuong goéc véi nhau.
Do d6 goc gitta AB va C'D bang 90°.

$® Cau 7. Cho cac s6 duong a, b, ¢, va a # 1. Khang dinh nao sau day dang?

@) log, b+ log, ¢ = log, (bc). log, b+ log, ¢ = log, (b — c).
(©) log, b+ log, c = log, (b + c). (D) log, b+ log, ¢ = log, |b — c|.
(Y} Hwo’wj z/d/z(y[(ézi. Theo tinh chit co ban ciia logarit: Tong cac logarit cliing co s6 ctia cac sb

duong bang logarit ctia tich céc s6 do.
Vay log, b + log, ¢ = log, (bc).

& Cau 8. Tiép tuyén ctia do thi ham s6 y = 2% + 2 tai diém 2o = 1 ¢6 he s6 goc la:
® k=-3. ® k=2 © k=-2. ©® k=3.
[ Huo;(y c/(z’zzji(z’zi. He s6 goc clia tiép tuyén ctia do thi ham s6 tai diém cé hoanh do z( 1a
k =y (xo).
Ta c6y =322 Tai zg =1, tacoé k= y/'(1) = 3(1)? = 3.
$> Cau 9. Cho A, B 1a hai bién ¢6 xung khéc. Biét P(4) = £, P(AU B) = 1. Tinh P(B).
oF ® & © & o

o Hu‘o‘igﬁ din gidi. Vi A, B la hai bién ¢b xung khic nen P(AU B) = P(A) + P(B).

w

Suy ra P(B) = P(AUB) — P(A) =3 —+ = &.
$® Cau 10. Giéi phuong trinh log%(as —1)=-2
@x:g. ® = =2. © z =5. @x:%

e Hwa/ézy f/a?/zdafaiz. Diéu kien xac dinh: 2 — 1 >0 2 > 1.

Phuong trinh tuong duong: © — 1 = (%)_2 =22 =4 =5 (théa man diéu kien).
$> Cau 11. Cho hai bién c6 A va B. Bién c¢6 "A hosic B xay ra" dugdc goi 13

(A) Bién ¢6 giao clia A va B.. Bién ¢6 hop ciia A va B..

(©) Bién cb dbi cua B.. (D) Bién c6 doi clia A..
[ Hucw(/f (/(5)7(71,'(511. Theo dinh nghia, bién c¢d hgp clia hai bién c6 A va B 1a bién c¢6 "A hoac B
xay ra".

¢ Cau 12. Rit gon biéu thic Q = b3 : /b v6i b > 0, ta dugce
4
3

@ Q = 0. B Q = bs. © Q =12 ® Q =1’
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= bs.

W=

[} Hmfy din gidi. Ta cé Q= I
C

Phan II. Cau tric nghiém dang sai Thi sinh trd l0i to cau 1 dén cau 2. Moij a) b) c) d)
thi sinh chon diung hodc sai
& Bai 1. Mot chuyén dong xac dinh bdi phuong trinh S(t) = 3 — 3t2 — 9t + 2. Trong d6 t dugc
tinh bang giay, S dugc tinh bang mét. Cac ménh dé sau ding hay sai?

a) Gia toc clia vat tai thoi diem ¢ = 2 1a 6 (m/s?).

b) Van toc cia chuyén dong bang 0 khi ¢ = 0s hodc t = 2s.

—2z
21"

c¢) Dao ham ctia ham s6 y = In(1 — 2?) 1a
d) Van t6c clia chuyén dong tai thoi diém ¢t = 2s 1a v = 18 m/s.

(&) Huz)‘igj din oiéi. Xét phuong trinh chuyén dong S (t) =3 — 31> — 9t + 2.

© Van toc tai thoi diém t: v(t) = S'(t) = 3t — 6t — 9.

& Gia toc tai thoi diem t: a(t) = v/(t) = 6t — 6.

Xét cac ménh dé:

® a) DPUNG: Tai t = 2, gia téc a(2) = 6(2) — 6 = 6 (m/s?).

® b) SAI: Van toc bang 0 khi v(t) = 0 & 32 -6t -9 =0 & t* -2t -3 =0 &
t = 3 (théa méan)

. Vay van toc bang 0 khi ¢t = 3s.
t = —1 (loai)

. N o (1-=z2) _ 2z __ 2z
& ¢) SAI: Dao ham ¢ = (In(1 — 22))’ = =23

1—22

& d) SAIL: Tai t =2, van téc v(2) = 3(2)2 —6(2) —9=12— 12— 9 = —9 m/5s.

& Bai 2. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuong. Mt bén SAB 1a tam gidc déu
va nam trong mat phang vuong géc véi day. Goi H va I lan lugt 1a trung diém ctia AB va BC.
Khi do:
a) SALCD
b) SH 1L (ABCD)
) ((SAB),(SAD)) = 90°
d) AD 1 (SAB)

C

(e Haozy (/(5)71%211.
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& b) PUNG: Vi ASAB déunen SH 1 AB. Ma (SAB) L (ABCD) theo giao tuyén AB, nén
SH 1 (ABCD,).

& d) DUNG: ABCD la hinh vuong nén AD 1 AB. Lai c6 AD 1 SH (vi SH L déy). Suy ra
AD 1 (SAB).

& ¢) DPUNG: Theo ¥ (d), AD L (SAB). Ma AD C (SAD), do d6 (SAD) L (SAB). Vay géc
gitta hai mat phang la 90°.
® a) SAIL: Tac6 CD//AB. Néu SA 1L CD thi SA 1 AB.
Didu nay vo Iy vi ASAB déu nén SAB = 60°.
Phan III. Cau tra 16i ngan Thi sinh trd i tic cauv 1 dén cau 4.
& Bai 1. Tap nghiém ctia bat phuong trinh log,(z —2) —logy(8 —z) < 014 S = (a;b). Tinh a®+b?.

S2<r <8

8—x>0 T <8

, N N r—2>0 x> 2
[} Hm)‘éz/c a/(z'/z(jid,i, bieu kién xac dinh: { & {

Bét phuong trinh da cho tuong duong véi: logy(x — 2) < logy(8 —x) & 2 —2 < 8 —x (Vi ¢0 86
2>1)e2r<10< z <5b.

Két hgp véi dieéu kien xac dinh, ta duge tap nghiem S = (2;5). Suy raa =2 va b= 5.

Gi4 tri ciia biéu thic can tinh 1a: a® + 8% = 22 + 5% = 4 4+ 125 = 129.
& Bai 2. Kim tir thap Kheops - Ai Cap c¢6 dang hinh chép déu, day 1a hinh vuong, mdi canh bén
cua kim ty thap dai 214 m, canh day ctia n6 dai 230 m. Tim goéc gitta mat bén va mat day cua
kim ty thap (két qua duge lam tron dén hang don vi). Don vi do.

B

(&) Haozy c/(mcﬁzm Goi kim ty thap 1a S.ABCD c¢6 diy ABCD la hinh vuong tam O, canh
a =230 m. Khi d6 SO L (ABCD).

Goi M la trung diém ctia canh CD. Ta ¢6 OM L CD va OM = % =115 m.

Vi tam gidc SCD can tai S nén trung tuyén SM dong thoi 1a duong cao: SM L CD.

Do d6, goc gitta mat bén (SCD) va mat day (ABCD) la goec ZLSMO = a.

Trong tam gidc vuong SCM tai M (véi MC = 2 =115 m), ta c6:

SM = +/SC? — MC? = /2142 — 1152 = /32571 (m).

Trong tam gidc vuong SOM tai O, ta c6: cosa = g—% = \/?% ~ 0,6372.

= « = arccos(0,6372) ~ 50,41°. Lam tron dén hang don vi, ta duge a ~ 50°.

& Bai 3. Mot khu pho c6 50 ho gia dinh trong dé c6 18 ho nudi chd, 16 ho nudi meo va 7 ho nudi
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c ché va meo. Chon ngau nhién mot ho trong khu phd trén, tinh xéc suat dé: Ho dé khong nudi
cé ch6 va meo.
o Hecong (/(5;2(75@1. Téng s6 ho gia dinh 1a n(Q) = 50.

Goi bién c6 A: "Ho gia dinh dudce chon nuoi cd ché va meo". Theo gid thiét s6 ho nuoi ca hai
con vat la n(A) =7.

Bién ¢ can tinh xac suat 1a "Ho d6 khong nuoi cd ché va meo", day chinh 1a bién c6 déi clia
A, k¢ hiou 1 A.

S6 ho khong nudi dong thdi ca ché va meo 1a: n(A) = 50 — 7 = 43.

S — A) 43
X4c suat can tim la: P(A)—%—%—O,SG.
& Bai 4. Dao ham et ham 56 5 = ~ 7%~ 6 dang of Wb ronab
1 &. a0 Nnam cua nam so = —— = CO dan = . mn a.o.c.
' V=1 212 ey (1—x+a?)°

[ Hmfy c/d/éﬁzfdzf. Ta c6 dao ham ctia ham so:

. (I4+z—2YQ—2z+2%)— (14+2z—2?)(1 —x+2?)

(1 —x+ 22)?

, (I-20)1—-2+2*)—(1+2z—2%)(-1+22)
v (-2 +a2)
, (I =20)1—2+4+2?)+ (1 —2x)(1+z—2?)
v (1—z+a2)
, (=22)[1—z+4+2°)+ (1 +z—2?)]
v (1 -2+ 22)?
,  (1—=2x)-2  —dr+2
v= (1—z+22)2 (1—z+22)%

. s . , ar +b
So sanh vé6i dang bai cho ¢y = ———, tasuyra: a = —4,b=2,c = 2.

(1 -2+ 2?)e°

Vaya-b-c=(—4)-2-2=—16.

Phan IV. Ty luan Thi sinh trd 1oi te caw 1 dén cau 2. Thi sinh trinh bay 0i gidi chi tiét
& Bai 1. Tim gia tri thuc ctia tham s6 m dé phuong trinh 4% — 22+ +m = 0 ¢6 hai nghiém phan
biét.
(e Hmmj a’(z}y[’a&:. Dit t = 2%. Didu kien ¢ > 0.

Phuong trinh tré thanh: 2 — 2t + m =0 (x).

Dé phuong trinh ban dau cé hai nghiém phan biét z thi phuong trinh () phai c6 hai nghiém
phan biét ¢ > 0.

AN=(-1)2-m>0 m <1

Diéu nay tuong duong véi: ¢ S =1t +t,=2>0 < ¢2>0 (luon ding) < 0<m <1
P=tit;=m>0 m >0

Vay gia tri thyc ctia tham s6 m can tim 14 0 < m < 1.

& Bai 2. Cho hinh chép S.ABC D day la hinh vuong, mat bén SAB la tam gidc vuong can tai S,
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SA = a vd mat phang (SAB) vuong géc mat day. Goi H la trung diem AB.
a) Chitng minh SH vuong géc mat phang (ABCD).
b) Goi a la géc gifta hai mat phang (SCD) va (ABCD). Tinh tan a.
¢) Tinh khodng cach tit diém A dén mat phang (SBD).

N ewong a/(c/z ¢éi. a) Tam gidc SAB can tai S ¢6 H la trung diém canh day AB nén SH | AB.
C

(SAB) L (ABCD)
Ta c6: { (SAB) N (ABCD) = AB = SH 1 (ABCD).
SH | AB,SH C (SAB)
b) Vi ASAB vudng can tai S va SA=anén SB=ava AB =+SA?+ SB? = av/2.

1 2
Suy ra SH = §AB = %— v day ABCD la hinh vuong canh av/2.

Goi M la trung diém ctia CD. Khi d6 HM 1 CD va HM = BC = av/2.
Vi SH 1 (ABCD)= SH L CD.

) {CD LHM
Ta c6

= CD L (SHM) = CD 1L SM.
CD 1 SH

Goc gita (SCD) va (ABCD) la goc giita hai dudng thang SM va HM, tic la a = ZSMH.

av/2
SH 1
Trong tam gidc vuong SHM, ta cé: tana = T a\2/§ =3
. 2 . AB
¢) Vi H la trung diem AB nén d(A, (SBD)) = iR d(H,(SBD)) =2d(H,(SBD)).

Ké HK L BD tai K. C6 SH L BD = BD 1 (SHK).
Ké HI L SK tai I = HI L (SBD), do d6 d(H,(SBD)) = HI.

Trong tam gidc vuong ABD c¢6 canh av/2, khodng cach tit A dén BD la hy = % =
av2 - a2 B

2a B

Vi H la trung diém AB nén

a.

1
HK = §hA = g. Trong tam giac vuong SHK:

1 1 1 1
HI2 SH? HK?2 2
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a\/6
3
& Bai 3. Mot chat diém chuyén dong thing, quing dudsng di dude xac dinh bdéi phuong trinh

S =3 — 4t — 2t + 1, t tinh bing giay (s), S tinh bang mét. Tinh gia tdc chuyén dong ctia chat
diém khi t = 3(s).

Vay d(A, (SBD)) = 2-

6_
= =

[ Hu’o/‘% din gici. Van téc clia chat didm la dao ham bac nhat ciia quang dudng theo thi gian:
v(t) = S'(t) = 3t? — 8t — 2.
Gia tbc ctia chat diém 1a dao ham bac nhat clia van toc theo thoi gian:
a(t) =v'(t) = S"(t) = 6t — 8.
Tai thoi diém t = 3(s), gia tdc ciia chat diém la:

a(3)=6-3—-8=10 (m/s”).

142
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PE THAM KHAO PE ON TAP THI CUOI HOC Ki 2
DE SO 14 Mon: TOAN 11
(Dé gom c6 4 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Dao ham ctia ham s6 y = 5% 1a
@) —5"In5. ® 2. (© 5" In5. © —=.
[} Ha’o/y c/fz“,/ifz'dzl Ap dung cong thitc dao ham ctia ham s6 mi (a*)’ = a*Ina, véi a = 5, ta co:
y' = (5*) = 5" Inb.
¢ Cau 2. Phuong trinh tiép tuyén ctia dudng cong y = 23 + 322 — 2 tai diém c¢6 hoanh do zy = 2
la

@A) y = 24z + 30. ®B) y =9z —T.

©) y = 24x — 30. D) y=9x+T.
o H“"j”?j a,/a‘”,yz[zzi. Taizg=2=1y,=23+3-22-2=18.

Dao ham: 3y = 322 + 6z.
Hé s6 goc clia tiép tuyén tai zg =212k =3/(2) =3-22+6-2 = 24.
Phuong trinh tiép tuyén can tim la: y = 24(z — 2) + 18 & y = 24 — 30.

¢ Cau 3. Nghiém ctia phuong trinh 37! = 27 13
@A) x=2. ® z=1. © z =4. D z=3.

[ Huozy cz/(glz(fszézf. Ta c6: 27 = 33. Phuong trinh tuong duong véi: 35! =33 o r -1 =3 &
r =4

¢ Cau 4. Hinh da dién sau ¢6 bao nhiéu mat?

@) . 12. © 16. ©) 10.
[} Hw)ﬁ (/(z‘“,/z(fz'(z’zi. Hinh da dién gom mot khéi hop bén duéi va mot khoi chop tit giac bén trén
ghép lai.

- Cac mit ctia phan hop 10 ra ngoai: 1 mit day dudi + 4 mat bén = 5 mat.

- Cac mit ctia phan chép: 4 mat bén xung quanh = 4 mit.

Tong s6 mat ctia hinh da dien 13 5+ 4 = 9 miit.

¢ Cau 5. Cho hinh lang tru ding ABC.A'B'C’ c6 tat ca cac canh bang nhau. Géc gitta hai duong
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thang A’'B va CC’ bing

@) 90°. 60°. © 45°. ®) 30°.
o Hecong (/zs,zjzf(gzz. Vi day la lang tru ding nen C'C’// AA". Do d6 goc giita A’B va CC' bing
goc gitta A'B va AA'.

Xét mat ben ABB’A’ 1a hinh vuong (vi lang tru diing c6 tat ca cac canh béng nhau).

Dudng chéo A’B cua hinh vuong ABB’'A’ tao v6i canh AA” mot goc 45°.

$> Cau 6. Gieo mot dong tién lien tiép 3 lan. Goi A 1 bién ¢ it nhat mot lan xuat hién mat sap.
Tinh xac suat P(A) clia bién c6 A.

@ P(A) =3 ® P(A) = 1. © P(A) =3 ® P(A) = §.
(&) Ha‘o‘igﬁ a/a‘?%[dzl S6 phan tit ctia khong gian mau 1a n(Q) = 23 = 8.

Xét bién c¢6 dbi A: "Khong c6 mit sap ndo xuat hien", nghia 1a ca 3 lan déu xuat hien mat
ngita {NNN}.

S6 két qua thuan lgi cho A la n(A) = 1.
Xac suat ctia bién ¢6 doi la P(A) = 1.
Xac suat ctia bién 6 Ala P(A)=1-P(A)=1-{=1L
¢ Cau 7. Rt gon biéu thic P = 25 - Nz véi z > 0.
@ P =z ®) P = x%. © P=u1s. ©) P =xs.

11 2
5 511

- % A B 2 2
(e} /{a‘o‘?f (I,ZQ,/qu,(z,z,,. TacO P=2x5 215 =2

—
alm
Il
8
Glo
+
—
=
&5

¢ Cau 8. Tap xac dinh ciia ham s6 y = log; = 1a
@) (—00; +00). [0; +00). © (—00;0). © (0; +00).

[ Hu‘o‘y f/a?/%zfa’z,'. Ham s6 logarit y = log, u xac dinh khi u > 0. 0 day y = logy « xac dinh khi
x > 0.

Vay tap xac dinh ctia ham s6 1a D = (0; +00).
$> Cau 9. Cho a > 0 va a # 1, khi d6 log, /a bang

® -1 L © -3 ®s
[ Hwo‘/(y c/d/ijzfa’zf. Ta ¢6 log, /a = log, a3 = slog,a = 3.

$> Cau 10. Tung mot dong xu hai lan lién tiép. Viét tap hop Q 1a khong gian mau trong tro choi
trén.
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@A) Q= {SN;NS;NN}. ®) Q= {SS;SN;NS}.
© Q={SS;SN;NS;NN}. D) Q= {SN;NS}.
(&) Ha(yy a/a‘”/éj[d,zf. MBoi lan tung dong xu c6 2 kha nang 1a Sap (S) hodc Ngtia (N).

Tung hai lan lién tiép, khong gian mau  gdm cac cap két qua co thé xay ra: Q = {SS; SN; NS; NN }.

¢ Cau 11. Cho hinh chop S.ABC' c¢6 day la tam giac vuong can tai C', AC = 3a va SA vuodng
g6c véi mit phang ddy. Khodng céch tit B dén mit phiang (SAC) bing

) %a. %a. © 3v2a. (D) 3a.
e /luong din gici. Vi SA L (ABC) néen SA 1 BC.

Ma AABC vuong tai C nén BC 1 AC.

Tu do6 ta c6 BC L (SAC).

Khoang céch tit B dén mat phang (SAC) chinh la do dai doan thing BC.
Vi AABC vuong can tai C' nén BC' = AC = 3a.

¢ Cau 12. Cho khéi chép S.ABC c6 chiéu cao bing 5, ddy ABC c6 dién tich bang 6. Thé tich
khoi chop S.ABC bang

@) 10. 11. © 15. D) 30.

o Hwofﬁ f/('z‘}z(jz'dz'. Ap dung cong thic tinh thé tich khéi chép: V = 1Sy, - h.

Thay s6 vao ta duge: V =5 -6-5 = 10.
Phan II. Cau tric nghiém diang sai Thi sinh trd l0i t cau 1 dén cau 2. Méi i a) b) c) d)
thi sinh chon dung hodc sai
& Bai 1. Ba nguoi cling ban vao 1 bia. X4c suat ban tring dich ctia nguoi thi nhat, thit hai, thit
ba lan lugt 1a 0,5; 0,7; 0,8. Khi dé:
a) Goi C la bién c¢6 "ngusi thit ba ban tring dich" = P(C) = 0,8; P(C) = 0, 2.
b) X&c suat dé dang 2 ngudi ban tring dich 1a 0, 483.
¢) Goi B la bién ¢ "ngusi thit hai ban tring dich" = P(B) = 0,7; P(B) = 0, 3.
d) Goi A la bién c6 "ngusi thit nhat ban tring dich" = P(A) = 0,5; P(A) =0, 5.

(e} Ha’(fy din oidl. Xét cac bién cb:
' C

& A: "Ngusi thit nhat ban tring dich" = P(A) = 0,5 va P(A) = 10,5 =0,5. Vay y d) ding.
& B: "Ngusi thit hai ban tring dich" = P(B) = 0,7 va P(B) =1-0,7=0,3. Vay ¥ c) ding.
& (: "Ngudi thit ba bin tring dich" = P(C) = 0,8 va P(C) =1—-0,8 =0,2. Vay ¥ a) ding.
Goi X 1a bién c¢6 "Dung 2 ngusi ban trang dich". Ta c6 cac truong hop:
& Ngudi 1 va 2 tring, ngusi 3 trugt: P, = P(A) - P(B) - P(C) =0,5-0,7-0,2 = 0,07.
& Ngudi 1 va 3 tring, ngusi 2 trugt: P, = P(A) - P(B) - P(C) =0,5-0,3-0,8 =0, 12.
& Nguoi 2 va 3 trang, ngusi 1 trugt: P3 = P(A) - P(B) - P(C)=0,5-0,7-0,8 =0, 28.
Xéc suat dé ding 2 ngudi ban tring dich la:

P(X)=P + P+ P;=0,0740,12+0,28 = 0,47.
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So véi dé bai dua ra 1a 0,483, ta thay y b) sai.
& Bai 2. Cho ham s6 y = (—2x — 3)(2? + 3z — 1). Khi d¢:
a) y'(2) > y'(3)
b) y'(2) = —67
c¢) Do thi ctia ham s6 3/ di qua diém A(3;7)
d) Tich céc nghiem ctia phuong trinh 3’ = 0 béng §
o Hocong f/a?,yzt(zzf. Ta khai trién ham s6: y = —22° — 622422 — 322 — 92 +3 = —223 — 922 — Tz +3.
Dao ham ctia ham s6 1a: ¢/ = —62% — 18z — 7. Xét cac y:
© Y b): Tinh ¢/(2) = —6(2) — 18(2) — 7= —24 — 36 — 7 = —67. Vay ¥ b) ding.
& Y c¢): Tinh ¢/(3) = —6(3)> — 18(3) — 7 = —54 — 54 — 7 = —115.
Vi g/(3) = —115 # 7 nén do thi ham s6 3 khong di qua diém A(3;7). Vay ¥ ¢) sai.
& Y a): Ta c¢6 ¢/ (2) = —67 va ¢/(3) = —115. Ro rang —67 > —115 nén ¢/(2) > y/(3). Vay ¥ a)
ding.
® Y d): Phuong trinh i/ = 0 < —622 — 182 — 7 = 0.

Bigt thic A’ = 92 — (—6)(—7) = 81 — 42 = 39 > 0, phuong trinh luon c6 2 nghi¢m phan bigt.

Theo dinh ly Vi-ét, tich cdc nghiem 1a: zy2 = € = =L = I. Vay y d) dung.
Phan III. Cau tra 16i ngan Thi sinh trd 10i to cau 1 dén cau 4.
& Bai 1. Cho ham s6 y = 2° — 32* + 52? — 2z + 2025, tinh y”(4).

()} Hmfy din oidi. Ta tinh dao him céc cAp ciia ham sb:
: C

® Dao ham cap mot: ¢ = ba* — 122 + 10z — 2.

& Dao ham cap hai: 3y’ = 202® — 3622 + 10.
Thay x = 4 vao biéu thitc y”, ta dugc: y”(4) = 20 -4% — 36 -42 +10 = 20 - 64 — 36 - 16 + 10 =
1280 — 576 + 10 = 714. Vay y"(4) = T14.

& Bai 2. Goi S 1a tap hop tat ca cac sb6 tu nhién c¢6 4 chit s6 doi mot khac nhau va cac chit s6

thuoc tap hop {1,2,3,4,5,6,7,8,9}. Chon ngau nhién mot s6 thuoc S, xac suat ctia bién ¢6 A “s6

d6 khong c6 hai chit s6 lien tiép nao cuing 16” 1a P(A) = ¢. Tinh T' = 2a + b.

X fluone Ja’;ifz'd,zi. S6 phan t1t ctia khong gian mau (s6 céch chon 4 chit s6 khac nhau tit 9 chit
C

s6 va siap xép ching): n(Q) = A3 =9-8-7-6 = 3024. Tap hop chit s6 gom 5 s6 16 {1,3,5,7,9} va
4 s6 chan {2,4,6,8}. Dé khong c6 hai chit s6 1é nao diing canh nhau, ta xét cac trusng hop vé sb
luong chit s6 1é:

<& TH1: Khong c6 chit s6 16 nao. S6 cach chon 1a Aj = 24.
& TH2: C6 1 chit s6 1é va 3 chit s6 chin. S6 cach chon va sép xép la C} - C3 4! = 5-4-24 = 480.

& TH3: C6 2 chit s6 16 va 2 chit s6 chén. Dau tién xép 2 chit s6 chén (2! cach), tao ra 3 khodng
trong (_C_C_). Chon 2 trong 3 khoang trong dé dat 2 chit s6 1& (A2 cach).

Sau d6 nhan véi cach chon céc chit s6 cu the: C2 - C? - (2!- A2) =10-6 - 12 = 720.

& TH4: C6 3 chit s6 1é va 1 chit s6 chiin. Dé 1é khong ké nhau, can it nhat 2 chit sé6 chin dé
ngin cach (LCLCL), truong hop nay khong théa man.
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S6 két qua thuan 1¢i cho bién ¢6 A la: n(A) = 24 + 480 + 720 = 1224.
Xac sudt P(A) = 5223 = 7.
Suy ra a = 17,0 = 42.
Vay T =2a+b=2-17+ 42 = 76.

& Bai 3. Cho ham s6 y = 2° — 3z + 5 ¢6 dd thi (C). Phuong trinh tiép tuyén véi (C) tai diem c6
hoanh do bang 3 c¢6 dang y = ax + b. Tinh P = 3a — 2b.

o wag f/afnda'a?z. Hoanh do tiép didm 2o =3 = yp = 3° —3-3+5 = 23.

Ta c6 3y = 322 — 3.
Hé s6 goc clia tiép tuyén tai z =3 1a k=19/(3) =3-32 -3 = 24.

Phuong trinh tiép tuyén tai diém (3;23) la: y = 24(z —3) +23 &y =240 — T2+ 23 & y =
24x — 49.

D6i chiéu véi dang y = ax + b, ta c6 a = 24 va b = —49.
Gia tri ctia biéu thitc P = 3a — 2b =324 — 2. (—49) = 72 + 98 = 170.

& Bai 4. Kim ty thap Ki-6p tai Hy Lap c6 dang hinh chép tit giac déu véi chiéu cao 147, 5m va
canh ddy 230m. Tinh s6 do goc tao bsi mat bén va mat day ctia kim tu thap d6 (két qua tinh ra
do va lam tron dén hang phan chuc).

[} Hmfy c/(z’/z(jz'd,zi. Goi kim tu thap 1a S.ABCD, tam day 1a O, M la trung diém canh day CD.

Chiéu cao SO = 147,5m, canh dédy CD = 230m. Doan OM = ;CD = 2% = 115m.
Goc gitta mat bén (SCD) va mat day (ABCD) la géc ZSMO = a.

Trong tam giac vuong SOM, ta c6: tan o = 5—1\04 = 114—1755 ~ 1,2826. Suy ra a = arctan(1, 2826) ~
52,059°.

Lam tron dén hang phan chuc, ta dude o ~ 52, 1°.
Phan IV. Tu luan Thi sinh tra l0i to cau 1 dén cau 2. Thi sinh trinh bay 100 gidi chi tiét

& Bai 1. Cho ham s6 y = f(x) = 2* + 22% — 1 ¢6 do thi (C). Viét phuong trinh tiép tuyén ctia do
thi (C) tai tiép diém M(1;2).

(2} Hwo‘/(y a/('z?é/mfa’zf. T a c6 dao ham ctia ham s6: f/(z) = 42 + 4x.

Hé s6 goc ciia tiép tuyén clia do thi (C) tai tiép diém M(1;2) 1a:

E=f(1)=4-1"+4-1=38.
Phuong trinh tiép tuyén ctia do thi (C) tai diem M (1;2) c6 dang:

y=f(e-1)+2ey=8r—1)+2cy=8—-8+2cy=_8zx—6.
Vay phuong trinh tiép tuyén can tim 14 y = 8z — 6.

& Bai 2. a) Trong mot 16p 11B ctia Truosng THPT ¢6 15 hoc sinh nam va 25 hoc sinh nt. Gido
vién goi ngau nhién tir danh sich 16p 4 hoc sinh lén bang lam bai tap. Tinh xac suat dé 4 hoc sinh
lén bang c¢6 ca nam va ni.
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b) Bai thuc hanh mon Cong nghé, Ban Hoa gieo 1 hat lta va 1 hat dau vao 2 chau khéc nhau
(mdi chau 1 hat). Xac suat ndy mam ctia hat laa 1a 0,85, cia hat dau 1a 0,8. Tinh xac suat hat laa
va hat dau khong niy mam.

[} /‘[u‘o‘y a,/(‘z‘xn,/ LGl
Téng s6 hoc sinh trong 16p la: 15 + 25 = 40 hoc sinh.

40! 40-39-38-37

S6 cach chon ngau nhién 4 hoc sinh tir 40 hoc sinh 1a: n(Q) = Cf, = Ta0—1 - 1321

91390.

Goi A 1a bién c¢b: "4 hoc sinh dudc chon c6 ca nam va nit".

Bién ¢6 d6i A la: "4 hoc sinh duge chon chi toan nam ho#c chi toan ni".
15! B 15-14-13-12

® S6 cach chon 4 hoc sinh toan nam la: C’ﬁ-) =4 3.1 = 1365.
25! 25-24-23-22

& S6 cach chon 4 hoc sinh toan nit la: Cyy = = = 12650.

S0 cach chon 4 hoc sinh toan nit la: C5; 1210 1.3.2.1 650

Suy ra s6 két qua thuan 1gi cho bién ¢6 A la: n(A) = 1365 + 12650 = 14015.

” L - A) 1401 2
Xac suat cua bién c¢6 doi la: P(A) = 2293 — 91292 — 18820738'

Xac suat ctia bién ¢d A la:

P(A)=1-P(A) =1 2803 18278 —2803 15475

18278 18278 18278
b) Goi A 1a bién c¢6: "Hat lda ndy mam". Ta c¢6 P(A) = 0, 85.

X4c suat dé hat lia khong ndy mam 1a P(A) =1 — P(A) =1-10,85 =0, 15,
Goi B la bién c¢6: "Hat dau ndy mam". Ta c¢6 P(B) =0, 8.
Xac suat dé hat dau khong ndy mam la P(B) =1— P(B)=1-0,8 =0,2.

Vi viéc ndy mam ctia hat lda va hat dau la hai su kien doc 1ap, nén xéac suat dé ca hat lda va
hat dau deu khong ndy mam la:

P(ANB) = P(A)- P(B)=0,15-0,2 = 0, 03.
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