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ON TAP cuOI

TOAN THAY KHA DE ON TAP CUOI KI I 2026 - 2027
DE SO 1 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phat deé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd o ti cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
$> Cau 1. Trong cac ménh dé sau. Ménh dé nao 1a sai?
(A) Hai mat phing song song thi khong c6 diém chung.
Hai mit phang cling song song véi mot mat phang thit ba thi chiing song song véi nhau.
(©) Hai mat phang song song v6i nhau thi moi dudng thang nim trong mat phang nay déu song
song v6i mit phang kia.
(D) Mot mat phang cit hai mat phang song song cho trude theo hai giao tuyén thi hai giao tuyén
song song v4i nhau.

¢ Cau 2. Cho day (u,) ¢6 limu, = 3, day (v,) ¢6 limv, = 5. Khi d6, lim(u,.v,) bang:

@) 8. 3. © 15. D) 5.
$> Cau 3. Cho hinh hop ABCD.A'B'C'D’. Mat phing (A’BD) song song véi mit phiang nio sau
day?

@) (BCA). (BC'D). © (CB'D). D) (BDA).

¢ Cau 4. Trong cac diy sb sau, day s6 nao khong phai cap sb6 cong?

13579
@) 3;1;-1; —2; —4. 55555
©) —8;—6; —4; —2;0. D) 1;1;1;1;1.

$> Cau 5. Cho hinh hop ABCD.A'B'C'D’. Khiang dinh nao sau day la dang?

(A) Hai canh AA’ va B'C’ 1a hai canh déi dign.

Hai mat ADD'A’ va BCC'B’ 1a hai mit phang déi dien.
(O) Hai dinh A va C 1a hai dinh déi dién.

(D) Hai canh AA’ va DD’ 1a hai canh ddi dién.
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Chuong 1. BO DE ON TAP CUOI Ki 1

) nd —2n
$® Cau 6. Két qua clua lim ————— 1a:
au ét qua cua 1Ir13712+n_2 )
1
9 Cau 7. Cho cap s6 nhan (u,) ¢6 s6 hang dau u; = 5 va cong boi ¢ = —2. S6 hang thit sdu cia
(uy) la:
@) ug = —160. ug = 320, © ug = 160. ©) ug = —320.
$> Cau 8. Cho cap s6 nhan (u,) c6 u; = —3 va ¢ = —2. Tong 10 s6 hang dau tién ctia cap s6 nhan
da cho la:
@ Syp = —511. Sio = 1023.
© Sip = —1025. (D) Sy = 1025.
¢ Cau 9. Day s6 (u,) duge goi la day s6 tang néu
@ Upi1 > Upio VO MOi n € N*. Upr1 < Up VO MOi n € N*.
@ Up+1 > Uy, VOL MO1L N € N*. @ Uptsg < Upto VO MOi1 n € N*.

¢ Cau 10. Ham s6 nao trong cdc ham s6 duéi day khong lién tuc tréen R?

=22+6 20. :L-
@ y=a®+6v+ ®y P T2
(© y = cos . @y:x+1.
22 3 ..
$© Cau 11. Gidi han lim rosrts bang

r—1 T + 1

@ 2. 1. © o. D) 3.
¢ Cau 12. Cho hinh ling tru ABC.A’B'C’. Khang dinh nao sau day sai?

(A) AC//(A'B'C). AA'//(BCC'B).

© AA'//(AAC'C). (D) B'C'//(ABC).

Phan II. Trac nghiém ding sai Thi sinh trd 5 ti cau 1 dén cdau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai
& Bai 1. Cho lang tru tam giac MNP.M'N'P’. Goi I va J lan lugt la trung diém ctia MN va
M'N’. Khi d6: Cac ménh dé sau ding hay sai?

a) I.J//MP'.

b) (MNP)//(M'N'P").

c) PP’ song song (IP'J).

d) Giao tuyén ctia (PM'N’) va (P’MN') 1a dudng thang di qua giao diém ctia hai dudng thang

PJ, PI.

& Bai 2. Két qua do chiéu cao (don vi: mét) ctia 100 cay keo 3 nam tudi tai mot nong truong
dugce cho & bang sau
Chiéu cao (m) | [8,4;8,6) | [8,6;8,8) | [8,8;9,0) | [9,0;9,2) | [9,2;9,4)

S6 cay 5 12 25 44 14

a) S6 trung binh ctia mau s6 lieu ghép nhém 12 7 = 8,9 (m).

b) Mau s6 lieu ghép nhém trén c6 5 nhém s6 ligu.
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c¢) Hieu gitta tt phan vi thit ba va tit phan vi thit nhat bang 2,06.
d) S6 cay keo c¢6 chiéu cao khodng 9,1 (m) 1a nhiéu nhat.
Phan III. Cau tra 16i ngan Thi sinh trd i ti cav 1 dén cau 4
& Bai 1. Minh dé cac qua 6¢ cho vao 20 cai gio theo quy luat: S6 qua & gié sau luon hon s6 qua

clia gié ngay trudc né mot luong quéa khong doi. Minh nhan thay tong s6 qua & hai gié thit 4 va
thit 17 13 42 qua. Hoéi Minh da b tat cd bao nhiéu qua 6c¢ ché vao cac gié?

voU -

—-1)
& Bai 2. Biét iﬂwxﬁ = T b2 2 1a phan s6 t6i gidn va a,b € N*. Tinh a + b.

& Bai 3. Cho mot hinh vuong 16n c6 canh bang 1. T hinh vudng nay, ta thyc hién qua trinh to
mau nhu sau:

© Budc 1: To mau tam gidc vuong c6 2 canh 1a canh ctia hinh vuong ban dau (nhu hinh vé).

® Bude 2: O tam giac vuong con lai chua duge t6 mau, ta dyng hinh vuong mdéi cé 3 trong 4
dinh 1a trung diém ctlia céc canh clia tam gidc. Sau dé lap lai nhu buéce 1.

Budc 2 duge lap lai lien tuc. Tinh tdng dién tich phan t6 mau (lam tron dén hang phan tram).

& Bai 4. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi N la trung diém cta
BC, M thugc canh SC sao cho SM = 2MC. Biét duong thing SD cit mit phing (AMN) tai
diém I va SD = 25 cm thi ST bing bao nhiéu centimet?
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Chuong 1. BO DE ON TAP CUOI Ki 1

Phan IV. Ty luan
& Bai 1. Tinh cac giéi han sau:

2l (3n+\/9n2—2n)‘

2n+1

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N lan lugt
1a trung diém ctia SA va AD.

a) Tim giao tuyén ctia hai mat phang (SAC) va (SBD).
b) Chiing minh ring duong thang SC song song v6i mat phang (OMN).

& Bai 3. Trén btic tuong clia mot trudng mau gido c6 vé hinh phiéu bé ngoan nhu hinh vé bén
duéi. Co gido mudén mua day kim tuyén bao quanh phan canh hoa (phan nét lién), biét ring cac
canh hoa la cac cung tron c6 ban kinh bing nhau va c¢6 tam cach diém O mot khoang 45 cm, cac
giao diém clia cic cung tron cach O mot khoang 40 cm. Em hay gitp co tinh xem can mua bao
nhiéu mét day kim tuyén? (lam tron két qua dén hang phan tram).
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 2 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

1 .

¢S Cau 1. Cho lim f(z) = = va lim g(x) = —3. Khi d6 lim [f(x) — 2¢(z)] bang
T—T0 2 T—T0 T—T0

7 13

® -1 =

7
© 4. ) 5
L 4 1
¢S Cau 2. Cho mot cap so cong (uy,) ¢d u; = 3 ug = 26. Tim cong sai d.

10 3 3 11
d=—. d=—. d=—. d=—.
® 3 10 © 11 © 3
¢ Cau 3. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M la trung diém ctia
canh SC, N la trung diém ctia SD. Khi d6 hai duong thdng AB va M N la hai duong thing
(A) chéo nhau. trung nhau. (©) song song. (D) cat nhau.
¢ Cau 4. Khéo sat thoi gian tap thé duc trong ngay ctia mot s6 hoc sinh khéi 11 thu duge méau
so lieu ghép nhom
Thai gian (phut) | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)
S6 hoc sinh 5 9 12 10 6

Nhom chtta t1@ phan vi tha 3 1a

@) [20;40). [60; 80). © [0;20). D) [40; 60).
$> Cau 5. Cho hinh chép S.ABCD (tham khéo hinh vé&). Goi O la giao diém ctia AC' va BD, I
Ia giao diém ctia AB va CD. Giao tuyén ctia hai mat phang (SAB) va (SCD) 1a
S

@) OlI. SO. © SI. (D) SA.
2n
+1

) ) . 7 ) ‘
¢S Cau 6. Cho day so (u,) c6 s6 hang tong quét u, = . S0 1 la 86 hang thit bao nhiéu cia
n

day s67?
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Chuong 1. BO DE ON TAP CUOI Ki 1
® s © 6. ® 7.

@ 5.
3 2
, _1
> Cau 7. Két qui cita lim "~ ~ 13
2025n — n?
® —1.

© —oo.

@A) +oo.
¢ Cau 8. Ham s6 y = ————— lién tuc trén khoang nao dudi day?
x?—3x+2
© (—0032). @ (1;+00).

® (—1;2).

@ (1;2).
> Cau 9. Théng ke diém trung binh cudi hoc ki 1 mon Toan ctia mot s6 hoc sinh 16p 11B1 duge

1
2025

[8;8,5) | [8,5;9) | [9;9.,5)
24 13 7

cho 6 bang sau
Khoang diém | [6,5;7) | [7;7,5) | [7,5;8)
8 10 16

Tan s
S6 trung vi (Iam tron dén hang phan tram) ctia mau s6 licu ghép nhém trén 1a
(D) 8,15.

7,15. © 9,15.

@) 7,75.
$> Cau 10. Cho hinh hop ABCD.A'B'C'D’ (tham khao hinh vé&). Mat phang (ABA’) song song

v6i mit phing nao?
A/
B ;‘
A
e Rt EEE
B
@) (co'D). (BB'A"). © (AA'C") (D) (ADD").

$> Cau 11. Phat bicéu nao sau day la sai?

@A) lim wu, = c v6i u, = ¢ 1a hing sb.
n—-+o0o
lim ¢" =0 véi |q| > 1.
n—-+oo
. 1
lim — =0.
n—4+oo N
1
lim — =0véi k> 1.
n—+oo N,
2 g2 S
gian doan tai diem zy bang

> Cau 12. Ham s6 y = -
r—3

Tog = —2.

@ o = 1.
Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén ciu 2 moi i a) b) ¢) d) thi

sinh chon ding hodc sai
& Bai 1. Cho hinh chép S.ABCD c6 day 1a tit giac 16i c6 cac cap canh déi khong song song véi

nhau. Giao ctia AC va BD 1a O. Goi M, N lan lugt la trung diém ctia SA va SC. Xét tinh ding
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sai clia cdc meénh dé sau:
a) Giao tuyén cta (SAC) va (SBD) 1a SO.
b) Giao diém ctia BD va (SAC) chinh la diém O.
¢) Giao diém ctia M N va (SBD) chinh la trung diém ctia SO.
d) Giao tuyén ctia hai mat phang (SBC) va (MCD) 1a SC.

5 Bai 2. Cho ham s6 (o) {72 BT <ol
ai 2. Cho ham 86 f(z) = . Khi do
va2+1 khiz> -1
2) f(~2) = V5
b) Giéi han lim f(z)= —3.

z—(—1)"

¢) Giéi han lim f(z) = V2.

z—=(—1)*

d) Khong ton tai lim f(z).

r——1

Phan III. Cau tra 16i ngan Thi sinh trd 10 to cau 1 dén cau 4

& Bai 1. Biét két qua cia_lim (73: V4927 — 2025z + 8) _ % vGia,b € Z, b4 0 va % I3 phan
T—>+00
s6 toi gian. Khi d6 a — 100b bang bao nhiéu?
& Bai 2. Cho hinh chép S.ABCD, ¢6 day ABC D 1a hinh thang (AD//BC) va AD = 95, BC = 65.
Mot mat phang («) chita BD va song song véi SA. Biét (o) cit SC tai I. Goi J la giao diém ciia
, ) . . JK )

AB va CD. Goi K la giao diem ctia I D va mat phang (SAB). Tinh ti s6 7g (lam tron dén hang
phan tram).
& Bai 3. Trong dip Tét Nguyéen Dan, nhu cau sit dung Internet (dit lieu di dong) ctia nguoi dan tai
mot thanh phd 16n thusng xuyén thay doi trong ngay. Lugng dit lieu st dung D (MegaBytes/phiit)
dugc tinh tai thoi diém t (gio) trong mot ngay (tinh tit 0 gid) bdi cong thiic
D(t) = 4sin (%(t —10) + %) +20 (0<t<24).
Luong dit lieu sit dung dat mtc cao nhat vao thsi diém nao trong ngay?
& Bai 4. Biét rang khi nung néng mot vat véi nhiet do tang tit 20°C, mdi phit ting 4°C trong 70
phtt, sau dé giam mdi phit 2°C trong 50 phit. Ham s6 biéu thi nhiét do (°C) trong tt theo thoi
gian ¢ (phuat) c¢6 dang

20+ 4t khi 0 <t <70
T(t) = el

a—2t khi70 <t <120

(a 1a hing s6). Biét rang, T'(¢) 1a ham lién tuc trén tap xac dinh. Tim a.

Phan IV. Ty luan

\ 1 1 1 "
Bai 1. Tinh téng —= + = — =+ .- 4+ [ —=
& Bai inh tong —35 + 7 — o+ +( 2) +

& Bai 2. Tinh gi6i han ctia cac ham s6 sau:

a) lim (—42° — 32"+ 2 +1);
Tr——00

vVr+2-2
pa :

b) lim 5

r—2
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Chuong 1. BO DE ON TAP CUOI Ki 1

& Bai 3. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M la trung diém
cua SC.

a) Xac dinh giao tuyén ctia hai mat phang (SAD) va (SBC).
2 2 A[
b) Xéc dinh giao diem I cia AM va mit phang (SBD). Tinh iR
& Bai 4. Trong mot budi sinh hoat trai nghiém cua hoc sinh truosng THPT Ngoc Tao, hoc sinh
duge tham gia trd choi mang ten: DI TIM TU KHOA va tro choi sé két thac khi ¢6 hoc sinh néi
ding tit khoa. Hoc sinh sé tra 15i tir khoa sau mdi goi v ctia Ban t6 chiic. Quy téic ciia tro choi:

& Hoc sinh nao tra 16i ding dap 4n sau ggi ¥ thit nhat sé dugc nhan nta s6 keo Ban t6 chic
dang co.

& Néu hoc sinh tra 16i ding dap an sau goi ¥ thit hai thi s6 keo nhan dugc sé bi gidm mot nita.

Tiép tuc quy luat dé: mdi lan thém mot goi ¥, s6 keo nhan duge sé bi gidm mot nita. Sau mdi luot
gai ¥, néu khong c6 hoc sinh nao néi dung tir kho4d thi sé chuyén s6 keo & lugt d6 cho cau lac bo
Olympia. Biét ring trong budi sinh hoat nay, hoc sinh tra 15i ding dép an sau 6 goi ¥ va Ban t6
chiic chi con lai 1 céi keo sau khi két thic tro choi. Tinh s6 keo ma cau lac bo Olympia nhan dudgc
tit Ban t6 chrc.
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 3 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

. 1 .
¢S Cau 1. Cho hai day s0 (uy,) va (vy,) v6i u, =2n+1, v, = ] . Khi d6 lim (u,v,) bang

—-n n—-o0
@A) +oo. -2. © 0. D) 2.
$® Cau 2. Nghiém cta phuong trinh tanz =1 1a
@x:i%nLk%(kEZ). ® v =2+ ko (ke 2).
©x:%+k2w(kezy @ngww(/ﬁem.

$> Cau 3. Diéu tra vé sb tién mua do dung hoc tap trong mot thang ctia 40 hoc sinh, ta c6 mau
s6 lieu nhu sau (don vi: nghin dong):

Gid tri (z) | [10;15) | [15:20) | [20:25) | [25:30) | [30:35) | [35:40) | Cong
Tan s6 (n) 2 5 15 8 9 1 N =40

Tt phan vi thtt hai ctia mau s6 lieu 1
73 70
@) 7 22. © ER (D) 21.
$¢> Cau 4. Dieu tra vé so tien mua do dung hoc tap trong mot thang ctia 40 hoc sinh, ta c6 mau
s6 lieu nhu sau (don vi: nghin dong):

Gid tri () | [10;15) | [15:20) | [20;25) | [25:30) | [30:35) | [35;40) | Cong

Tan s6 (n) 2 5 15 8 9 1 N =40
S6 trung binh ctia mau s6 lieu 1a
@A) 25,5. 25. © 22,5. (D) 27.
3+ 2z

$® Cau 5. Tim giéi han  lim .
(=3t T+ 3

7 1
A) —cc. 1 © -7 D) +oc.
$® Cau 6. Giai phuong trinh 2 cosxz = —1 duge tap nghiem la
2 k
@{i§+k2w,kez}. {g+§,kez}.
T  kmw T
@{—g—F?,kGZ}. ®{§—|—kﬂ',k€Z}.
. 1 1 1 N
<> Cau 7. T@ngS:1+§+Z+§+~~ bang
2 3
@) 1. 3 © 2. (D) 3

¢ Cau 8. Diéu tra vé s6 tien mua do dung hoc tap trong mot thang ctia 40 hoc sinh, ta c6 mau
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Chuong 1. BO DE ON TAP CUOI Ki 1

s6 lieu nhu sau (don vi: nghin dong):
Gid tri (z) | [10;15) | [15:20) | [20:25) | [25:30) | [30:35) | [35:40) | Cong
Tan s6 (n) 2 5 15 8 9 1 N =40

Tt phan vi thit nhat ctia mau s6 lieu 1
73 70
@) 22. ER © 3 (D) 21.

9 Cau 9. Cho cap sb cong (uy,) ¢6 s6 hang dau u; = —5 va cong sai d = 3. S6 100 1a s6 hang thit
may ciia cap s6 cong?

@) 15. 35. © 36. (D) 20.

¢S Cau 10. Cap so6 nhan (u,) c6 sd hang tong quat 1a u,, = 5 271 n € N*. S6 hang dau tién va

cong boi clia cap s6 nhan do la
3
@Ulz —2. @’U,l:g,q:2

> Cau 11. Trong khong gian cho hai duong thang song song a va b. C6 bao nhiéu mat phang

» 4

» 4

ot oot

chita a va song song véi b?

(A) Hai mat phang. Mot mat phéng.

(©) Vb s6 mat phéng. (D) Khong c6 mit phing nio.
$> Cau 12. Cho day s6 (u,) 1& mot cap sé nhan c6 s6 hang dau u; va cong boi ¢. Déng thitc nao
sau day duang?

@ UnZQ&(“l)n_% (n>2). up = ur + (n—1)g, (n>2).

© un:qn—il, (n >2). D) up, = wig"t, (n>2).

Phan II. Tric nghiém dang sai Thi sinh trd [0i tu cau 1 dén ciu 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
& Bai 1. Cho hinh chop S.ABCD c6 day ABCD la hinh thang véi AB la day 16n va AB = 2CD.
Goi I 1a trung diém ctia canh AB.

S

D C

a) IS song song véi giao tuyén ctia hai mat phang (SBC) va (SAD).
b) AD//(SBC).

c) AB//(SCD,).

d) Dudng thang IC va mat phang (SAD) c6 mot diém chung.
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& Bai 2. Cho hai ham s6 f(z) =

r—3
a) ligl f(x) = V2.
6
b) lim —— = +o0.
) e—3- g(x)

c) glcigi[f(x)g(x)—i—x]:m\/§+nv<’jim,n€Z. Khi d6 m =n + 1.

T—r—00

d) lim {f(x)Jr@} — a2+ b v6i a,b € Z. Khi d6 a + b = 0.

Phan III. Cau tra 16i ngan Thi sinh trd loi ti cav 1 dén cau 4

& Bai 1. Cho biét lirll (\/3:2 + 2ax + ba:) = 2 (a,b la cac s6 thuyc). Tinh gia tri biéu thic
T—r1+00
P =a+ 2b.

& Bai 2. Cho tit dien ABCD v6i M, N lan lugt la trung diém ctia AC va BC. Diém E thuoc

DE 1 _ B p s ... . DP EP
canh AD sao cho DA T Mit phang (M NE) cat canh BD tai diem P. Khi d6 tong 5P + UN

bang bao nhieu? (két qua lam tron dén hang phan tram).

& Bai 3. Ong An du dinh diing xen ké 2 mau vang, xanh dé son trang trf mot biic tuong hinh chit
nhat theo cach nhu sau: Dau tién ding mau vang son biic tuong theo tAm bia hinh chit nhat H;
¢6 chiéu dai, chiéu rong tinh theo don vi m lan luot 1a v/54 1 va 2, sau d6 cit hinh H; thanh hinh
vuong c6 canh bang chiéu rong ctia H; va hinh chi nhat Hs, roi ding mau xanh son tudng theo
hinh Hs, ... ctt tiép tuc qué trinh nhu vay cho dén khi hinh chit nhat tao ra c6 dién tich khong
dang ké. Biét ring tién cong dé son mdi mét vudng tuong nhu vay la 21 nghin dong. Héi ong An
can chuan bi t6i da bao nhiéu tién cong cho thg son? (két qua tinh theo don vi nghin dong va lam
tron dén hang nghin).

VE+1
A i B
9
G H
D F C

& Bai 4. O céc noi khong gian c6 dién mang cam gidc hoai niem thuong dude treo mot chiée dong
ho d6 chudong. Dong hod d6 chuong 1a loai dong hd khong chi diing dé chi gis ma con phat ra tiéng
chuong vao nhiing thoi diém nhat dinh. He théng chuong trong dong hd duge dieu khién béi mot
co ché rieng biet, va khi dén gio dong ho sé phat ra tiéng chuong tuong ing véi so gio, tao ra am
thanh 16 rang gitup ngudi dung biét dude thoi gian ma khong can nhin vao mat dong ho. Héi rang
trong mot ngay, dong ho danh tat ca bao nhiéu tiéng, biét rang dong ho chi danh chuong bao gis
va s6 tiéng chuong bang sb gio (tuong ng véi s6 chi & trén mat dong ho)?

Phan IV. Ty luan
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Chuong 1. BO DE ON TAP CUOI Ki 1

0 khi z =2
& Bai 1. Xét tinh lien tuc clia ham s6 f(z) =< .2 _ 4 tai diém x¢ = 2.
khi z #£ 2

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M la trung diém
cua SA.

a) Chiung minh: MO//SC.
b) Tim giao diém K ctia SD va mat phing (M BC).
S

& Bai 3. Mot nha thau nhan duge hop dong son mau trang tri mot bitc tuong hinh vuéng mau
trang kich thudc 4m x 4m clia mot trudong mau gido. Hai diéu kién ctia hgp dong nhu sau:

& Céac hinh vuodng can son mau nhu hinh vé. Hinh vuong 16n nhat c6 dién tich bang mot phan
tu dién tich bitc tuong dudc son ¥ khac mau trang. Moéi hinh vuong tiép theo c6 dieén tich
bang mot phan tu dién tich hinh vuong trude né, duge son mau khac véi hinh vuong trude
d6 va mau trang;

& Mot phan ba biic tuong phai duge son mau.

Sau khi xem céc diéu kién ctia hgp dong thi nha thau tit chdi vi cho ring khong thé thyc hién theo
yéu cau ctia nha truong. Hay giai thich 1i do vi sao ho tit chéi hop dong.

N
N
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 4 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Day s6 nao sau day c6 gidi han bang 07

@) u, = (—%)n U, = 3" — 2",

ou-(Y ou-(yf

1
> Cau 2. Gia tri cia lim ——

Tr—+00 — 23;'

® % _%. © 1. ® —1.

¢S Cau 3. Trong cac day so6 sau, day s6 nao 1a day s6 bi chan?
1

@ up = ——— ®) u, = 2025 — n.

n + 2025
© u, = (—=1)" - 2025™. D) u, = n — 2025.

N

la

¢ Céau 4. Cho cap s6 nhan (u,,), biét us =4 va ug = 16. Cong boi ctia cip s6 nhan dé bang
@® 2. 4. © 4. ©® 12.
$© Cau 5. S6 canh ctia mot hinh ti dién 1a

@ 5. ® 4. © 6. ©) 8.

1
$® Cau 6. Nghiém ciia phuong trinh cosz = 3 1a

2
@x:igqtk%r,kez. x:i%r+k27r,k€Z.
@x:ig—kaW,kEZ. @:L‘::t%—f—kZﬂ',kEZ.
¢ Cau 7. Cho tt dien ABC'D. Goi G la trong tam tam giac ABC. Trén doan thang BD lay diém
M sao cho M B = 2M D. Puong thing MG song song véi mét phang nao sau day?
() (ABD). (ABC). © (ACD). (D) (BCD).
$® Cau 8. Cho hinh chép S.ABCD c6 day ABC' D la hinh thang, day 16n 1a AD. Goi M la trung

diém ctia SA va A 1a giao tuyén clia hai mat phang (M BC) va (SAD). Khing dinh nao sau day
la ding?

@A) A//SD. A/ AB. © A//AD. D A//CD.
& Cau 9. Cho goc luong giac a. Khang dinh nao sau day ding?

(@A) cos(m — a) = sina. cos(m — a) = cos a.

(©) cos(m — a) = —sina. (D) cos(m — a) = —cos a.
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Chuong 1. BO DE ON TAP CUOI Ki 1

U1:—2

$» Cau 10. Cho day s6 (u,,), biét { . Tinh wusg.

Upy1 = Up + 3
@ U920 = 61. Uon = 58. @ U920 = 52. @ Ugo = 55.
3 .
¢S Cau 11. Cho géc a thdéa man sina = —x varT<a< ; Gia tri ctia cos a bang
16 4 4 16
%. g. © _g. _2_5.

$» Cau 12. Cho ham s6 y = f(z) xac dinh trén ', 2o € K. Khi d6, ham s6 y = f(z) lien tuc tai

® lim f(z) = f(xo). Jim f(xo) = f(2).
© Jim f(2) = f(zo) © lim_f(x) = f(xo).

Phan II. Trac nghiém ding sai Thi sinh trd 107 ti cau 1 dén cau 2 méi i a) b) c) d) thi
sinh chon ding hodc sai

& Bai 1. Céc phat biéu sau ding hay sai?

a) Cho hai day s6 (u,) v (v,) thda man limu, = 1 va limv, = 4. Khi d6 lim(3u,, + v,) = 13.

b) lim

=3t T —

= +o0.

c) Ham s6 y = lien tuc trén khoang (1; +00).

x? 4+ 2025z — 2026 .
khiz>1 ___ Lo . R .
d) Cho f(z) = r—1 . Ham s6 da cho lién tuc trén R khi a = 2025.
ar + 2 khiz <1

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, P lan luot
1 trung diém cac canh AB va CD, @ la trung diém canh SA. Khi d6 xét tinh ding, sai clia cac
meénh dé sau:

a) MP//(SAD).

b) SC cit mit phang (M PQ).

c¢) Diém O thuoc mat phang (SBD).

d) SB la giao tuyén ctia hai mat phang (SAC) va (SBD).

Phan III. Cau tra 16i ngan Thi sinh trd loi ti cav 1 dén cau 4
& Bai 1. Hinh vé duéi day la hai banh riang ciia mot dong co, ching c¢6 cung kich thuée. Khi dong
co hoat dong, hai banh ring quay déu cung chiéu. Biét téc do quay clia banh rang ¢ hinh 2 gap
doi téc do quay ciia banh ring ¢ hinh 1 va phuong trinh biéu thi do cao ctia diém A & banh rang
thit nhat 1a h = 2R + Rsin <%t> (trong d6 R 1a ban kinh banh rang, ¢ 1a thoi gian tinh bang giay,
h 1a do cao ctia diém A). Gia st tai thai diém bat dau khéi dong, hai diém A va B c6 do cao biang
nhau. Sau bao nhiéu giay ké tit thoi diem dau tién sau khi dong co hoat dong hai diém A, B c¢6 do
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cao biang nhau?

H.1 H.2

& Bai 2. Ngudi ta lam deén tre nhu hinh bén, cac hinh tron chong lén nhau. Trong d6 tinh ti duéi
. . 9
lén hinh tron 16n nhat ¢ c¢6 ban kinh R = 200 c¢m, hinh tron C5 ¢6 ban kinh bang 10 ban kinh

. 9 >
cta duong tron C4, hinh tron C3 ¢6 ban kinh bang 0 ban kinh cia duong tron Cs. Ct tiép tuc

nhu vay, nhan duge day hinh tron Cy, Cs, Cs, ..., C,, . ... Tinh tdng chiéu dai cac thanh tre da lam
chiéc den tre (don vi mét, lam tron dén hang don vi).

& Bai 3. Bibt két qua chia lim (7:5 — 4972 — 20252 + 8) — 2 GiabeZ, b+40w % I phan

T—+400 b

s6 toi gian. Khi d6 a — 1000 bang bao nhieu?

& Bai 4. Trong dip Tét Nguyéen Dan, nhu cau sit dung Internet (dit lieu di dong) ctia ngudi dan tai
mot thanh phd 16n thuong xuyén thay doi trong ngay. Lugng dit lieu st dung D (MegaBytes/phiit)
dugc tinh tai thoi diém ¢ (gio) trong mot ngay (tinh tit 0 gid) bdi cong thiic

m 7r
D(t) = 4si (— T
(1) sin 12(75 O)-l-6

Luong dit lieu st dung dat mtc cao nhat vao thoi diém nao trong ngay?

Phan IV. Tu luan

)+20 (0 <t < 24).

& Bai 1. Tinh cac giéi han sau:

a) lim (vVOn? +2n —3n +1).

2

) Iy e
& Bai 2. Cho hinh choép S.ABCD c¢6 ddy ABCD la hinh thang ¢6 AB//CD va AB = 2CD. Goi
O 1a giao diém ctia AC va BD; G la trong tam tam giac SAB.

a) Chting minh rang: OG//(SAD).

b) Tim giao diém I ctia duong thang BG va (SCD).
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Chuong 1. BO DE ON TAP CUOI Ki 1

& Bai 3. Tai mot xudng san xuat bot da thach anh, gia ban (tinh theo nghin dong) cta z (kg)
bot da thach anh duge tinh theo cong thiic sau:
{4,555 khi 0 < 2 < 400
P(z) =

(k 1a mot hing s6).
dr + k  khi z > 400

a) V6i k = 0, xét tinh lién tuc ctia ham s6 P(x) trén (0; 400).

b) V6i gia tri nao ctia k thi ham sb P(x) lien tuc tren (0; +00)?
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 5 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Ham s6 nao sau day lien tuc tai o = 27

T+5 2x + 1
1 2 -3
¢ Cau 2. Day sb nao sau day khong phai 1a cap s6 nhan?
@ 1;—-1:1; —1. 1; —3:9;10. @ 1:0;0; 0. @ 32;16;8; 4.
¢ Cau 3. Cho day s6 (u,) ¢6 u, = sin % Chon khing dinh ding trong cac khang dinh sau day.
(A) Day s6 (u,) bi chan. Day s6 (u,) tang.
(©) Day s6 (uy,) gidm. (D) Day s6 (u,) khong bi chan.
¢ Cau 4. X4ac dinh s6 hang dau va cong sai ctia cap s6 cong (u,) véi u, = 2n + 3, Vn € N*.
@A) up =2; d=3. ®B) uy =3; d=2.
© up =5; d=2. D u; =5; d=-3.
12
$® Cau 5. Cho goc a théa man sina = B va g < a < 7. Tinh cos a.
(@cosoz—i cosoz—i
- 135 B 13
@cosa——1—3 @cosoc:—l—g.
¢ Cau 6. Cho lang tru tam giac ABC.A'B'C’. Khang dinh nao sau day ding?
® (ABO)//(ABC). (XBC)//(AB'C).
© (ABC)//(ABC). © (ABC') [/ (ABC).

)
$® Cau 7. Tap nghiém ctia phuong trinh sinz = sin ?ﬂ la

3

S = {—+/€27r 73 + k2, kEZ}.

@S—{—+k27r —%—I—kQW k:EZ}

D S = {——I—kﬂr—%—l—kﬂr kEZ}

2m
@S—{—+k27r— +k27r,k€Z}.

¢ Cau 8. Tinh lim (22° — 3z) bing

r——1

@ —1. —5. © 1. © 5.
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Chuong 1. BO DE ON TAP CUOI Ki 1

> Cau 9. Diéu kién can va di dé hai mat phang song song v6i nhau la

(A) Hai mat phang d6 cling song song v6i mot mit phang thit ba.

Hai mit phang do ciing song song v6i mot duong thang.

(O) Hai mat phang d6 khong c6 diém chung.

(D) C6 mot mat phang chita hai dudng thing phan bigt cling song song véi mat phang con lai.
$> Cau 10. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Duong théng AD song
song véi mat phang nao trong cac mat phing duéi day?

@) (SBO). (ABCD). © (SAQ). (D) (SAB).
¢ Cau 11. Mot hang 6 to thong ke lai s6 1an gip su ¢6 ve dong co ctia 100 chiée xe ciing loai sau
2 nam st dung dau tién ¢ bang sau
S6 lan gap su co | [1;2] | [3;4] | [5:6] | [7;8] | [9;10]

S6 xe 17 33 25 20 5

Hay u6c luong tit phan vi thi nhat ctia mau so lieu ghép nhém treén.

@) 2,64. 2.89. © 2,73. (D) 2,98.
¢ Cau 12. Mot hinh chép c6 day 1a ngii giac c6 s6 mit va so canh 1a
(A) 5 mit, 5 canh. 6 mat, 5 canh.
@ 6 mat, 10 canh. @ 5 mat, 10 canh.
Phan II. Trac nghiém ding sai Thi sinh trd 15 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai
& Bai 1. Mot khu vyc rimg tram c6 dien tich ban dau (dau nam 2025) duge ghi nhan 1a 15000
héc-ta. Do 4nh huéng ciia bién déi khi hau vi xam nhap man, dién tich rimng dude dut bao bi suy
gidm vé6i toc do trung binh 4% mdi nam.
a) Dién tich clia khu ring vao dau nam 2026 1a 14400 héc-ta.
b) Dieén tich ctia khu ring vao dau mdi ndm (sau nam 2025) 1ap thanh mot cap s6 nhan véi
cong boi ¢ = 0, 96.
¢) Dién tich khu ritng sau n nam (ké tit dau nam 2025) duge tinh theo cong thite 150000, 96" L.
d) Dén dau nam 2035, dién tich khu rimg da mat di 5028 héc-ta (1am tron dén hang don vi).
22 —5r+4

. khiz <1
& Bai 2. Cho ham s0 f(z) = r—1 b
3r —6 khixz>1
a) f(1)=-3
b) lim f(z) = —3
r—1—
c¢) Ham s6 gian doan tai diem zy = 1.
— f(1
) tim L=

z—1+ r—1
Phan III. Cau tra 16i ngan Thi sinh trd loi ti cauw 1 dén cau 4
& Bai 1. Mot ké dé dd bang gd c6 mam tang dusi (ABCD) va mam tang trén (EFGH) song
song v6i nhau. Bac thg moc do duge AE = 100 cm, CG = 130 cm va mudén déng thém mam tang
(IJK L) song song véi hai mam tang trén, tang dudi va ET = 42 cm. Tinh do dai doan thang KG
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theo don vi em (Két qua lam tron ¢ hang phan mudi).

& Bai 2. Trong hinh vé bén, cho duong tron (C') tam O, ban kinh r = 20 cm. Vé dudng tron (C)

di qua tam O va tiép xtc véi (C). Duong tron (C}) c¢6 ban kinh bang mot nita ban kinh ctia (C),

tic lar = "'~ 10 cm. Tiép tuc, vé duong tron (Cy) di qua tam cta (C) va tiép xac véi (Cy), voi
T1 . 10

ban kinh ry = 5 =5 = 5 cm. Qua trinh nay tiép tuc dén vo han, véi mdi duong tron mdéi c6 ban

kinh bang mot nita ban kinh ciia dudng tron trude d6. Tinh dien tich phan t6 mau (két qua lam
tron dén hang don vi).

A
2 1 O
o gntly7.gn -
& Bai 3. Biét lim W =% voiabeN v % s phan sb t6i gidn. Tinh a2 + b2,

& Bai 4. Cdi xay gi6 1a mot loai may chay bing stic gio. Mot diém M nim trén canh ctia coi xay
gi6. Khi canh quat quay thuan chiéu kim dong ho, vi tri thap nhat va cao nhat ciia M so v6i miit
dat 1an luot 14 8 m va 22 m. Xét vong quay ctia M bat dau tiu vi tri thap nhat tuong tng thoi
diém ¢ = 0. Khi canh quay déu, khodng cach h (mét) tit M dén mat dat dugc tinh theo cong thiic

2 2 P Y 2
h = Acos (%t) + C, véi t (giay) la thai gian quay cia diem M (¢ > 0). Hoi lan tha 2025 diem
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Chuong 1. BO DE ON TAP CUOI Ki 1

M cach mit dat 18,5 m 1a vao thoi diém bao nhiéu giay (Iam tron dén hang don vi)?

Phan IV. Tu luan

.. ) —— khiz>1 . - s
& Bail. Hamsdoy = f(z) = x—1 . Tim a dé ham so0 lién tuc tai diem z = 1.

ar — 3 khiz <1
& Bai 2. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O. Goi M, N lan lugt 1a trung
diém ctia SD, CD.
a) Tim giao tuyén ctia hai mat phiang (SAC) va (SBD).
b) Tim giao tuyén clia hai mit phang (SAB) va (SCD).
c¢) Tim giao diém ctia dudng thing BM va mit phang (SAC).
d) Chitng minh mat phang (SBC) song song v6i mat phang (OMN).

& Bai 3. Trong mit phing toa do Ozy, cho dudng thang d :  +y = 2 cit truc hoanh tai diém A
2n

Z 2 ]_ 2
va cat duong thang d, : y = x tai diem P, (n € N*). Ki hiéu S, 14 dién tich ctia tam giac
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OAP,. Tim lim S,,.

dn:y =

2n+1x
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Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 6 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
> Cau 1. Bang dudi biéu thi két qua diéu tra thoi gian st dung Internet hing ngay ctia mot sé
nguoi.

Thasi gian (phit) | [30;60) | [60;90) | [90;120) | [120;150) | [150; 180)

S6 nguoi 2 4 10 5 3
Khang dinh nao dudi day sai?
@® M, = 105.
Gia tri dai dién ctia nhém [60;90) 1a 75.
© 7 = 108,75.

() Nhém chita mét 1 [90; 120).
¢S Cau 2. Cho cap s6 cong (u,) ¢6 uy = —5 va d = 3. Ménh dé nao sau day dang?
@ U9 = 32. U9 = 22. @ U9 = 25. @ U9 = 34.

$> Cau 3. Goi S la tap hop tat ca cac so6 thuc z théoa man ba s6 z, 4z, 25 theo tht tu dé lap
thanh mot cap s6 nhan. S6 phan ti ctia S 1a

@) 2. ®) 3. © 1. D) 0.

> Cau 4. Cho hinh hop ABCD.A'B'C'D’, duong thing AB song song v6i mit phang nao dudi

day?
D/
| O/
T B
A
A B
@) (A'B'C'D"). (ADD'A). © (BCC'B). (D) (ABCD).

$© Cau 5. Cong thitc nao sau day sai?

(A) cos(a + ) = sin asin 3 — cos a cos f3.
sin(a — B) = sinacos f — cos asin .
sin(a + ) = sinacos 5 + cos asin f3.

©
(D) cos(a — ) = sinasin 3 + cos a cos B.

$» Cau 6. Cho P = lim

z—4t T —

. Ménh dé dung 1
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@ P=5. ® P= - © P = +oo. ® P=o.

1 1 1 .
S Cauw7. TmhM=1+-+—=+ -+ —+--- dugc ket qua la

5 52 on
31 5 6
$® Cau 8. Trong khong gian, hai duong thang phan biét c6 bao nhiéu vi tri tuong déi?
@ 1. 2. © 3. ©®) 4.

> Cau 9. Cho bén diém A, B, C, D khong ciing ndm trong mot mat phing. Trén AB, AD lan lugt
lay cac diém M, N sao cho MN cat BD tai I. Diém I khong thudc mat phang nao sau day?

) (ABD). (BCD). (© (CMN). (D) (ACD).
¢S Cau 10. Nghiém ctia phuong trinh 2 cos(x — 15°) — 1 =0 la
[ = 75° + k360° [ = 60° + k360°
@) . keZ. :
|z = 135° + k360° x = —60° + k360°

x = 45° + k360°
|z = —45° + k360° ’

x = 75° + k360°
|z = —45° + k360° ’

© ®

¢ Cau 11. Cho hinh chép S.ABC. Goi M, N lan lugt 1a trung diém canh SA, SB va P la diém
trén canh SC sao cho SP = 3PC. Dudng thang nao dudi day song song v6i mat phang (ABC)?
(A) MN. MP. (© NP. (D SC.

$> Cau 12. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi P, @ lan lugt 1a trung
diém ctia SA, SB. Duong thing PQ song song véi mat phang nio trong cic mat phang sau day?

@ (SBC). (SAD). © (SAB). ®) (SCD).
$> Cau 13. Cho day s6 (u,) cho béi cong thiic tong quat u, = 4 +4n?, n € N*. Khi dé6 ug bing
@A) 68. 104. (©) 504. (D) 148.

Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén cau 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chép S.ABCD c6 day ABC D 1a hinh thang, day 1én AB. Goi I, J lan luot 1
trung diém ctia AD va BC va G la trong tam tam gidc SAB. Diém E nam trén canh SA sao cho
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Chuong 1. BO DE ON TAP CUOI Ki 1

SE =2FA.

a) Giao tuyén clia mat phang (SAB) va (SCD) la dudng thang d di qua S song song véi AB,
CD.

b) Giao tuyén clia mat phang (SAB) va (GI.J) la dudng thang di qua I song song véi G.J.

c¢) Giao diém ctia dudng thang SB va mit phang (GI.J) la diém thuoc duong thang di qua G
va song song véi dusng thang I.J.

d) EG song song v6i C'D.
& Bai 2. Cho hai day s6 (u,) va (v,) ¢6 u, = 4n® + 3; v, = 3n* + 7.

u, 4
lim — = —.

a) lim o =3
1 1

b) lim — = -
) lim w1

. (un)? 16

lim —— = —.

¢) lim o 3
Uy +an® + 7
m _—

Un

d) I = 8 khi d6 a = 20.

Phan III. Cau tra 16i ngan Thi sinh trd l0i tu cau 1 dén cau 4
n?+6n—2025 1

& Bai 1. Cho biét nl—l>rfoo T = Gia tri a bang bao nhiéu?
) 2+ 4t+12 khio<t<5 )
& Bai 2. Ham s6 v(t) = T 7 md td van toc (m/s) cia mot vat tai
at — 3 khi 5 <t <10

thoi diém ¢ (giay) trong khoang thai gian 10 giay dau tién ké tit khi vat bat dau chuyén dong. Biét
rang v(t) 1a ham lien tuc trén doan [0; 10] va trong 10 giay dau tien d6 ¢6 hai lan vat dat van toc
10m /s vao céac thoi diém ¢, giay va t, giay. Tinh ¢ +t5 (két qua lam tron dén hang phan mudi).

& Bai 3. Tai mot cong ty san xuat do choi A, cong ty phai chi 10000 USD dé thiét lap day chuyén
san xuat ban dau. Sau do, ¢t san xuat duge mot san pham do choi A, cong ty phai trd 5 USD cho
nguyén lieu tho va nhan cong. Goi x (z > 1) 1a 86 do choi A ma cong ty da san xuat va T'(x) (don
vi USD) la tong s6 tién bao gdm ca chi phi ban dau ma cong ty phai chi tra khi san xuat = do

~ , N T
choi A. Ngudi ta xéc dinh chi phi trung binh cho méi san pham do choi A 1a M (z) = ﬁ Xem
x
M (z) 1a ham s6 theo x x4c dinh trén nita khoang [1; +00), tim lim M (x).

T—r—+00

& Bai 4. Tam giac ABC c6 s6 do mot goc 1a 120°, do dai ba canh ciia n6 1a ba s6 hang lién tiép
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L «  HV3 .
clia mot cap so cong va dién tich tam giac ABC bang = Tinh ban kinh dudng tron ngoai tiép
tam gidc ABC (két qua lam tron dén hang phan tram).

Phan IV. Ty luan

& Bai 1. Tim gi6i han clia cac ham s6 sau:

y 322 —dx —4
VT
. V1+3z -1
b) lim ———;
x—0 2:[,‘
Vi? 13 -3
¢) lim ’ +2+\/_ :
rx—1 T —]_

& Bai 2. Mot khdi gd c¢6 cac mit déu 1a mot phan ciia mat phang véi (ABCD)//(EFMH),
CK //DH. Khéi gd bi hong mot géc (hinh bén). Bac thg moc mudn lam dep khoi gb bang céch
cat khoi gb theo mat phang (R) di qua K va song song v6i mat phing (ABCD).

F M

A

a) Hay gitp bac th¢ moc xac dinh giao tuyén clia mat phang (R) véi cac mat clia khoi gb deé
cat dude chinh xac.

b) Goi I, J lan lugt 1a giao diém ctia DH, BF v6i mat phang (R). Biét BF = 60 cm, DH = 75
cm, CK =40 cm. Tinh FJ.

& Bai 3. Nha ban Lan ¢6 mot den trang tri khung hinh chép tam giac S.ABC'. Vi tri bong den
tiép xic véi mit day (ABC) tai trong tam G ctia tam giac ABC. Me Lan nho Lan xac dinh vi
tri diém M trén canh SA ctia dén. Biét rang M la giao diém ctia SA v6i mit phang («), va mit
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Chuong 1. BO DE ON TAP CUOI Ki 1

2 2 7 M
phang («) di qua G va song song v6i mit phang (SBC). Em hay giap Lan tinh ti so fl_M
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 7 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Cho géc MON = 60°. Xac dinh s6 do ctia géc lugng giac (OM, ON) duge biéu dién
trong hinh vé dudi day:
N

60°

@A) 120°. 60°. © -300°. (D) 300°.
$> Cau 2. Gid st M(z;y) la diém biéu dién cho géc lugng gidc c6 s6 do a nhu hinh vé bén dudi.
Khéng dinh nao sau day ding?

@) sina = z. sina = y. ©) sina = ~. (D) sina = =.
y x
¢ Cau 3. Trong cac ham s6 sau, ham s6 nao 1a ham s6 chin?

A) y = cotx + . ®B) y = sin® x.
(©) y = tanx. D) y = cos.

$® Cau 4. Nghiém cta phuong trinh cosz = 1 la:
@A) z=k2rm, keZ. ®) x=n+k2r, k € Z.
© z=knm, keZ. @x:g+k27r,k€Z.

$> Cau 5. Trong cac day s6 (u,) cho bdi cong thiic clia 86 hang tong quat u,, dudi day, day sd nao
14 s6 tang?
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Chuong 1. BO DE ON TAP CUOI Ki 1

n—2
= ] n = —2n+5.
@ u—ln ] u n-+>5

© u, = —. ®) u, = —n>.

n

> Cau 6. Trong cac day s6 cho bdi cong thiic clia s6 hang tong quat u, dudi day, day sé nao la
mot cap sd6 nhan?
@A) u, = n?. Uy, = 5"
1
@un:i’m—l—l. @un:—.
n
$> Cau 7. S6 canh va s6 mat ciia mot hinh t dién theo thi tu 1a

@4; 6. 6; 4. @4; 4. @6; 6.
> Cau 8. Cho ttt dien ABCD. Goi M, N lan lugt 1a trung diém ctia AB, AC nhu hinh vé. Khing
dinh nao sau day ding vé vi tri tuong ddi gitta hai duong thing MN va CD?
A

(A) M N va C'D song song v6i nhau.
MN va CD chéo nhau.

(© MN va CD cit nhau.

(D) MN va C'D dong phang.

$> Cau 9. Cho hinh hop ABCD.A'B'C'D’ (hinh vé bén dudi). Mt phang (AB’'D’) song song véi
mat phing nio sau day?

B C
Al
| D
B!
F oo -2
A D’
@) (A'BD). (D'BD). © (C'BD). ©) (B'BD).

$> Cau 10. Chon phat biéu ding?
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(A) Phép chiéu song song bién 2 duong thang song song thanh 2 dudng thang c6 thé cit nhau.

Phép chiéu song song bién 2 duong thang song song thanh 2 dudng thang cé thé chéo nhau.

(© Phép chiéu song song bién 2 dusng thang song song thanh 2 duong thang c thé trung
nhau.

(D) Phép chiéu song song gitt nguyén ti s6 do dai ctia hai doan thang bat ky.

¢ Cau 11. Ham s6 y = — gian doan tai diem nao duéi day?
x —_—

@A) z=-2. ® = =1. © z=0. D z=2

¢ Cau 12. Ham s6 nao sau day lien tuc trén R?
-1
(A) y =tanz. y = sinz. © y=+vr—1 @y—x —
Phan II. Trac nghiém ding sai Thi sinh trd 15i ti cau 1 dén ciau 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
& Bai 1. Cho hinh chép S.ABCD, ABCD la hinh binh hanh tam O. Goi M, N lan lugt 1 trung
diém SA, SD.

a) SO la giao tuyén ctia hai mat phang (SAC) va (SDB).
b) MO//SB.

) (MNO)//(SBC).
d) MO//(SBC).

C

22+1 khiz>0

& Bai 2. Cho ham s6 f(z) = :
2c —1 khix <0

a) Ham s6 y = f(z) lien tuc tai x = 2.
b) f(0) =

li =—1.
C) :zir(r)1+ ( )

d) Ham s6 y = f(x) gian doan tai z = 0.
Phan III. Cau tra 16i ngan Thi sinh trd l0i tw cau 1 dén cau 4
. 246n-2025 1 N
& Bai 1. Cho biét lim " — ~. Gi4 tri @ bing bao nhicu?
n—+o0o ™m?+4 a

& Bai 2. Tim hiéu thoi gian hoan thanh mot bai tap khé ctia mot s6 hoc sinh thu duge két qua
sa:

Thai gian (phut) | [0;4) | [4;8) | [8;12) | [12;16) | [16;20)
S6 hoc sinh 2 4 7 4 3
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Chuong 1. BO DE ON TAP CUOI Ki 1

Tim thoi gian trung binh hoan thanh bai tap do clia cac hoc sinh (két qué lam tron dén hang phan
mudi).

& Bai 3. Mot ho dan lap dat mot camera trén ctta nha dé c6 thé quan sat dudge cong va san nha.
Ctia nha tai diém A va cong tai diem C, AC = 6 (m). Camera dugc dat tai vi tri B, hinh chiéu
vuong goc ciia B lén mat dat trimg véi diém A, AB = 4 (m). Dé ddm b&o an ninh, camera c6 thé
quan sat duge diém E trén cong, CE song song AB, CE = 3 (m) va vi trf diém D thuoc doan AC,
cach diém A mot khoang AD = 0,5 (m). S6 do ctia DBE bing bao nhieu do.

B

C D A

& Bai 4. Ban Nhi muén trang tri mot géc cau thang bang cach t6 mau cac hinh vuong nhu hinh
vé bén dudi. Biét goc cau thang c6 dang mot tam gidc vuong can c6 canh 8 m va ban trang tri nhu
sau:
¢ Lay trung diém canh huyén dung doan thang song song hai canh tao hinh vuong (1) va to
mau no.
<& Phan trang trén cing va duéi cing 14 2 tam giac vuong can va ban lai tiép tuc thyc hién nhu
ban dau dyng hai hinh vuong (2) va t6 mau no.

<& Phan trang trén ciing va duéi cling 14 2 tam giac vuong can va ban lai tiép tuc thyc hién nhu
ban dau dung hai hinh vuong (3) va t6 mau no.

Ban Nhi tiép tuc qué trinh nhu thé dén khi cac hinh vuong khong thé t6 dugce nita thi tong dieén
tich da dugc t6 mau 1a bao nhiéu mét vuong? (két qua lam tron dén hang phan mudi).
(1)

®3)

8&m

3)

(4)

Phan IV. Tu luan
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& Bai 1. Tinh cac giéi han sau:
. 2n*+5n—17
a) lim ————;
n—+oo 5n? —n + 19
. V3r—2-=-2
b) lim :
=2 =322 + 22 + 8
& Bai 2. Cho hinh chép S.ABCD c6 diy ABCD la hinh thang, AD la day 16n. Goi M, N lan
lugt 1a trong tam cia tam giac ABC va SBC.

a) Xac dinh giao tuyén clia mat phang (SAB) va mat phang (SCD).
b) Ching minh: M N //(SAB).
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Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 8 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Ham s6 nao sau day lien tuc trén R?

@A) y = cot . ® y=12°—1.
©y=""1 ®y=vi-1

$» Cau 2. Cho day s6 (u,,) va (v,) thod HEIEOO Up = 2 VA nEIEoo v, = —4. Tinh lim(u, +v,) bang
® 2. 6. © —2. ®) 6.

¢ Cau 3. Cho cap s6 cong (u,) c6 uy = —2 va up = 2. Cong sai d clia cap sb6 cong da cho 1a
® d=4 ® d= 4. © d=—1. ® d=3.

$> Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Mat phang nao sau
day song song vdi duong thang C'D?

® (ABCD). (SBC). © (SDA). ®) (SAB).
$® Cau 5. Phuong trinh sinz = 0 ¢6 nghiém la

® {5 +kr, kez}. ® {kn, k € 7).

© R. ® {Z+k2m, kez}.

¢S Cau 6. Cho hinh chép S.ABCD c6 ddy ABC'D (nhu hinh vé).

Giao tuyén cta (SAC) va (SAD) la
@) SC. SD. © SA. D) SB.

> Cau 7. Cho tit dien ABCD. Phat biéu nao sau day ding?

(A) AD va BC chéo nhau.

AD va BC song song.

(©) AD va BC cat nhau.

(D) C6 mit phang chita AD va BC.
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$> Cau 8. Cho hinh hop ABCD.A,B,C,D;. Mt phang (AA;D;) song song v6i mit phang nao

sau day?
@A) (BCA). (A1C10). © (BCCY). (D) (ACB,).
¢ Cau 9. Cho hai ham s6 f(x) va g(z) thod man lim f(x) =a > 0 va lim g(z) = —oo. Gi4 tri

ciia lim [f(x) - g(z)] bang

T—T0

@) 1. 0. (©) +oo. (D) —oo.
$> Cau 10. Tap gia tri cia ham s6 y = sinz 1a

@ (-1 1). R. © [-1:1]. © R\ {-1;1}.
¢S Cau 11. Két qua ctia  lim (g)" bang

n——+o00

2
¢ Cau 12. Chieu cao (don vi: cm) clia hoc sinh 16p 11A duge cho trong bang sau:
Chiéu cao (cm) | [145; 150) | [150; 155) | [155;160) | [160;165) | [165;170) | [170; 175)
S6 hoc sinh 2 5 12 11 6 4

Tim chiéu cao trung binh ctlia hoc sinh 16p 11A 14

@) 162,75. 162,35. ©) 163,5. ®) 160,75.

Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chép S.ABCD cé day la hinh binh hanh tam O. Goi M la trung diém cta
SC. Goi I la giao diém ctia dudng thing AM va mat phang (SBD). Khi dé:
IA
= =3
) T
b) Goi N la mot diém tuy ¥ trén canh AB. Khi d6 giao diém clia duong thing M N va mit
phing (SBD) la diém thuoc giao tuyén ctia hai mit phang (SBD), (SNC).
c) AMNSO=1.

d) Giao diém E ctia dudng thang SD va mit phang (ABM) la diém thudc dusng thing BI.

, 22% — 5y + 2
& Bai 2. Cho ham sb f(x)z%.
x_

a) lim f(x) = f(2).

r—2
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Chuong 1. BO DE ON TAP CUOI Ki 1

) 3
b) i f(2) = 5.
c) Ham s6 f(x) lién tuc trén cdc khodng (—o0;2) va (2; +00).
_3 ) .
) liny % - % véi a,b € Z; % t61 gidn. Gid tri ciia a? + b% + 1 bing 170.

Phan III. Cau tra 18i ngan Thi sinh trd loi ti cauw 1 dén cau 4

& Bai 1. Biét két qui ctia lim (72 — /4922 — 2025z 1 8) = % voi a,b € Z, b+ 0 va % 14 phan

Tr——+00

s6 toi gian. Khi d6 a — 1000 bang bao nhieu?
& Bai 2. Cho hinh chép S.ABCD
c¢6 day ABCD la hinh binh hanh.
Goi G la trong tam tam giac SAD,
M la trung diém ctia SB. Duong
thang GM cit mat phang (ABCD)
tai 1. Tinh ti s

GI -~

& Bai 3. Cho hinh vuong ABCD c¢6 canh bang a; va c¢6 dien A D, D
tich S;. N6i 4 trung diém A, By, Cy, Dy theo thit tu ciia 4 canh
AB, BC,CD, DA ta dugc hinh vuong thit hai c6 dien tich S. Tiép D, Cy
tuc lam nhu thé, ta duge hinh vuong thi ba A;ByCoDy c6 dién
tich S5, ... v ctt tiép tuc lam nhu thé. Gia sit qué trinh trén kéo  Au Ch
dai vo han. Tinh tdng dién tich cac hinh vuong dudc tao thanh

néu a; = 4 cm. Ay By

Phan IV. Ty luan

& Bai 1. Tinh cac giéi han sau.

|l 1 — 422
a m ———-:-"—--:.

b) lim YL 23T
I Ly
& Bai 2. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh. Goi E, F, H 1an lugt 1a trung
diém ctia cac canh SA, CD va SB.

a) Tim giao tuyén ctia hai mat phang (SAC) va (SBF).
b) Chitng minh dudng thaing EH song song véi mit phang (SCD).
c¢) Goi G la giao diém ctia dudsng thang SD va mit phing (BEF). Goi S;, S, lan lugt 1a dien

tich tam giac SEG va dien tich tam gidec SAD. Tinh ti s6 S—l
2
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& Bai 3. Cho ham s6 f(x) ¢6 do thi la (C) xac dinh trén [—5; 6] bdi cong thiic

3 11
f@)=9/13=(x—2)2 khi —1<z<4
3 khi 4 < z < 6.

Mot con kién bo tit diém A c6 hoanh do biang —5 va n6 chi di chuyén trén (C). Goi B € (C) 1a
diém c6 hoanh do 16n nhat ma con kién c6 thé t6i dude, con kién sé dimg lai néu duong di bi gian
doan. Tinh quang dudng kién di chuyén tit A dén B (lam tron két qua dén hang phan muoi).
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Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DPE SO 9 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Cho ham s6 y = f(x) lién tuc tai z =1 va lin} f(x) =2026. Gia tri ctia f(1) bang
r—r

@A) 2025. 1. (©) 2026. (D) 2024.

> Cau 2. Xét cac khang dinh sau:

(I) Phép chiéu song song bién ba diém thang hang thanh ba diém thang hang va khong lam thay
ddi thit tu ba diém do6.

(IT) Phép chiéu song song bién hai dudng thang bat ki thanh hai dudng thang song song hoic trimg
nhau.

(IIT) Phép chiéu song song bién duong thang thanh dudng thing.

(IV) Phép chiéu song song giit nguyén ti s6 do dai clia hai doan thing cing ndm trén mot dudng
thang hofic ndm trén hai dudng thang song song.

Trong cac khang dinh trén, s6 khing dinh ding la

@) 4. ® 3. © 2. DO 1.

$> Cau 3. Théng ké diém trung binh moén Toan ciia 31 ban hoc sinh 16p 11B dugc cho trong bang
sau:

Diem | [2:3,5) | [3,5;5) | [5;6.5) | [6,5;8) | [8;9,5)
S6 hoc sinh 1 1 10 15 4

Trung vi clia mau s6 lieu ghép nhém trén thudoc nhém

@) [3,5;5). [5:6.,5). © [8;9,5). D) [6,5;8).

$© Cau 4. Cho hinh chép S.ABCD c¢6 day la hinh binh hanh. S
Goi M, N lan lugt 1a trung diém ctia SA, SB (tham khao hinh

VE).

Duong thang nao dudi day song song véi mit phing

(CMN)? N

@ CD. CM. © MN. D) AB. 1
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¢S Cau 5. Cho hinh lang tru tam gidc ABC.A’B’'C’ (tham khéo A C’
hinh vé&). Hinh chiéu song song ctia diém A’ trén mit phang (ABC)
theo phuong C'C’ la

(A) diém A’ diém C. © diém A. (D) diém B.

$® Cau 6. Cho hinh hop ABCD.A'B'C'D’. Khang dinh nao duéi day sai?

@ Cac méat bén cta hinh hop da cho 1a hinh binh hanh.
Day ctia hinh hop da cho 1a hinh chit nhat.

(©) Cac canh bén ctia hinh hop da cho bing nhau.

(D) Céc canh bén ciia hinh hop da cho song song véi nhau.

¢ Cau 7. Ta noéi day s6 (u,) 6 gi6i han 1a s6 thyc a khi n dan t6i duong vo cie, néu

@) lim (u, +a)=0. lim w, =0.

n—-+4o0o n—-+4o0o
lim a=0. ® lim (u, —a)=0.
n——+o00 n——+o0o

@ 7. 49. (©) 98. (D) 14.

¢ Cau 9. Dé chuan bi cho gian hang tai Hoi chg Xuan Binh Ngo 2026 ctia mot truong THPT,
nhom hoc sinh ciia 16p 11A da tién hanh khao sat 120 hoc sinh vé nhu cau mua san pham & mic

¢ Cau 8. Cho g(t) = t%. Gidi han gn; M bing

gid ndo va thu duge két qua sau:
Mrtic gia (nghin dong) | [10;30) | [30;50) | [50;70) | [70;90) | [90;110)
S6 hoc sinh 15 28 42 25 10

Mbt clia mau s6 lieu ghép nhom trén (lam tron két qua dén hang don vi) 1a

@) 42. 61. © 30. D) 59.

$> Cau 10. Ham s6 nao sau day lién tuc trén R?

1
) y = cot . y:E. © y =22 (D) y = tanz.

¢S Cau 11. Cho hinh hop ABCD.A'B'C'D’ (tham khéo hinh Al
V). D'
Mit phang (ABA’) song song v6i mit phang B h
@) (CC'D"). (BB'A"). (© (AA'C"). (D) (ADD").
D
B

C

> Cau 12. Cho hai dudng thang b khong nim trong mat phang (P), a nam trong (P) va b song
song véi dudng thang a. Khang dinh nao dudi day ding?
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Chuong 1. BO DE ON TAP CUOI Ki 1

(A) b song song véi (P). b cat (P).

(© b nam trong (P). (D) a song song véi (P).

Phan II. Tric nghiém dang sai Thi sinh trd 10i tu cau 1 dén ciu 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
& Bai 1. Mot chiée bé ¢6 dang hinh hop chit nhat, chiéu cao BB’ = 3 m. Bac Ha diit mot thanh
gd M N = 4 m vao trong bé sao cho mot dau M ctia thanh gb duta vao mép ciia nap bé (A'B'C'D’),
dau con lai N ndm trén day bé (ABCD) (xem hinh v&). Sau d6 bac Ha riit thanh gd ra ngoai va
do dugc do dai ctia phan thanh gb bi ngam trong nude 1la EN = 1,5 m.

Dl

/
G

Yoo

A MIN=40m BB =3.0m

A

I

]

]

]

]

]

]

]
r|g=f{=-~~-~~=-=--r-
1 .

A

a) AB khong song song v6i mat phang (CC'D’'D).

)

b) A’B’ song song v6i mit phang (ABCD).

c¢) Chiéu cao muyc nudc trong bé 1a TB = 2 m.

d) Mit phéng (A’B'C'D’) song song v6i mat phiang (ABCD).

. 2\" 2n? —2 2
& Bai 2. Cho hai day 6 u, = 2026 — (=) vav, = 2 —="*=2
3 n+1
a) lim wu, = 2026.
n——+oo
b) Cho sb thyc b théa man lim (v, — 2n + b) = 0. Gi4 tri ctia b*> — b bang 20.

n—-+o0o

)
)
c) ngrfw(un + v,) = 2027.
d)

Phan III. Cau tra 18i ngan Thi sinh trd loi ti cauw 1 dén cau 4
& Bai 1. Mot bénh nhan hang ngay uéng mot vien thude 100 mg. Sau ngay dau, trudc moi lan
uéng thube, ham lugng thude cit trong co thé van con 5%. Tuy nhien, ké tit ngay thtt 11 tré di, do
kha ning dao thai clia co thé thay doi nén truée mdi lan udng thude, ham lugng thube cit trong co
thé chi con 2%. Udc tinh lugng thube trong co thé bénh nhan st dung thudc trong mot thoi gian
dai.
& Bai 2. Lop 11A ¢6 40 hoc sinh tra 16i 30 cau héi trong mot bai kiém tra. Két qua duge thong
ké theo bang sau:
S6 cau tra 10i ding | [5;10) | [10:15) | [15;20) | [20:25) | [25;30)
Sé hoc sinh 4 m 8 n 4

Trong d6 m,n lan lugt 1a s6 hoc sinh ctia nhom [10; 15) va [20;25). Biét ti phan vi thi nhét ctua

mau s6 lieu ghép nhém trén la Q = 5 Tinh gia tri cia m + 2n.
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& Bai 3. Mot van dong vien c¢6 chiéu cao 1m75 thyc hién ném ta v6i van téc ban dau vy = 30m/s.
Dat thanh tich 15m. Goi a 1a goéc ném ctia van dong vien hop véi mit dat (tham khéo hinh vé).
Coi gia téc trong trusng g = 10m/s”>. Tinh gia tri cta | cos 2al.

Phan IV. Ty luan

22% — Tx — 15 _
) ) —— khiz #5 )
& Bai 1. Cho ham so f(x) = r—5 Xét tinh lién tuc ctia ham s6 f(z) tai
-3 khi x = 5.
To = 5.

& Bai 2. Cho hinh chép S.ABCD c6 day ABC'D 1a hinh binh hanh tam O. Goi M, N lan luot 1a
trung diém ctia SA va AD.

a) Tim giao tuyén ctia hai mat phang (SAC) va (SBD).
b) Chiing minh ring: dusng thang SC song song véi mit phang (OMN).

& Bai 3. Cho tam giac déu A, B;C; noi tiép duong tron tam O ban kinh 1a R = 6 cm. Nguoi ta vé
duong tron noi tiép tam giac A, B;C 16i dung tam giac deu Ay BoCy. Tiép theo ngudi ta vé duong
tron noi tiép tam giac A, ByCy roi dung tam gidc deu Az BsCs. Ci tiép tuc qua trinh nhu vay. Goi
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Chuong 1. BO DE ON TAP CUOI Ki 1

517 527537 cee

, Sn, ...lan lugt 1& dién tich cac tam gléc deu AlBIC’h AQBQCQ, AgB3C3, ey AanCn7 .
A

Tinh tdng dién tich S = S; + Sy + S5+ ...+ S, + ...
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 10 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.
Uugo = 8uyy

. Chon khang dinh diing?
Uy + us = 272

¢ Cau 1. Cho cap s nhan (u,) théa man {

@ g=-2 ® ¢=—4. © q=4. ©) ¢ =2.

$® Cau 2. Doanh thu ban hang trong 20 ngay dugce lya chon ngau nhién ctia mot cita hang duge
ghi lai 6 bang sau (don vi: trieu dong):

Doanh thu | [5;7) | [7;9) | [9;11) | [11;13) | [13;15)
S6 ngay 2 7 7 3 1

Tt phan vi thit ba ctia mau s6 lieu ghép nhém bang (két qua lam tron dén hang don vi)

@) 11. 12. © 13. (D) 10.
$> Cau 3. Cho ttt dien ABCD. Goi M, N lan lugt 1a trung diem AB va C'D. Mit phéng (o) di
qua MN, cit AD, BC lan luct tai P va Q. Goi I 1a giao diém M P va NQ. Ba diém nao sau day
thing hang?

@) I,B,D. ® I,A,C. © I,A,B. ® I,D,C.
¢S Cau 4. Tim tap xac dinh D ctia ham s6 y = tan <2m— %)

@D:R\{%Jrkﬂ,kez}. D:R\{%Mw,kez}.

@D:R\{%ﬂjt%ﬂ,kez}. @D:R\{%ﬂjt%ﬂ,kez}.

$® Cau 5. Cho hinh 1ap phuong ABCD. A'B'C'D’; ACNBD = 0O, A/C'NB'D’' = O'. Khi d6 giao
tuyén ctia hai mat phang (ACC'A’) va (AB'D') 1a dudng thang nao sau day?

@® A0. A0, © AC. ® BD.
n? —2n3 +1
> Cau 6. Tim I = lim m
N —; g © 0. D 1.
> Cau 7. Cho cap so cong (u,) c6 s6 hang tong quat 1a u,, = 3n + 5. Tim cong sai d ciia cap s6
cong.
@A) d=-2. ® d=2. © d=3. D) d=-3.

¢ Cau 8. Khéo sat thoi gian chay bo trong mot ngay clia mot nhém hoc sinh thu duge mau s6
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Chuong 1. BO DE ON TAP CUOI Ki 1

liéu ghép nhom sau:
Thai gian (phat) | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)
S6 hoc sinh 5 9 12 10 6

Mau s6 lieu ghép nhéom nay c6 mdt 1a

@A) 53. 59. (©) 40. (D) 52.
$9 Cau 9. Cho hinh chép S.ABCD, c¢6 day ABCD la hinh binh hanh tam O. Goi M, N lan lugt
Ia trung diém SA, SD. Mat phing (OM N) song song véi mit phang nao sau day?

@) (SBO). (SAB). © (SCD). (D) (ABCD).
> Cau 10. Trong mit phiang toa do Owxy, trén duong tron luong giac goi diém M la diém biéu
dién clia goc a = 5 Lay diém N déi xiing v6i M qua gbc toa do. Héi N 1a diém biéu dién clia goc
c6 s6 do bang bao nhiéu?

oT

N 0%

2 _
$® Cau 11. Tinh gi6i han I = lim w
x—2 x —4

1 1 1
1 =-. I:—. I=—. I=—.
@1-2 2 ©1--1 ® 1=
> Cau 12. Trong khong gian cho hai duong thing song song a va b. Cé bao nhiéu mat phing
chita a va song song véi b?
@ Hai mit phang. Mot mat phang.
(©) Vb s6 mat phang. (D) Khong c¢6 mit phang nao.
Phan II. Trac nghiém ding sai Thi sinh trd 5 ti cau 1 dén cdau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai
& Bai 1. Phuong trinh chuyén dong ciia mot vat duge xac dinh bsi ham s6 y = f(x) = 22+ 7244,
trong d6 f(x) 1a quang duong (mét) vat di duge trong thoi gian x (gidy). Gia tri lim M

T—T0 T — xo
dudc goi 1a van toc tiic thai (m/s) clia chuyén dong tai thai diem .

a) lim Vx)=T.

b) hrr})_ f(x) =-2.

c¢) Van tdc tiic thoi cia chuyen dong tai thoi diem zo = 5 (giay) 14 16 m/s.
Q) tm 18 g

-0 2

& Bai 2. Nam 2023, mot cong ty thai ra 125 tan rac. V6i quyét tam gép phan gidm thiéu sy 6
nhiém moi trudng, cong ty quyét dinh ké tit nim 2024, mdi nam phai gidm 5% lugng rac thai so
v6i nam truée d6. Lay moc thoi gian tinh tit nam 2023 (ttc 1a nam 2023 duge tinh 13 ndm thi
nhat), goi T, (v6i n € N*) la s tan rac thai clia cong ty trong nam thi n.

a) SO tan rac thai ctia cong ty trong nam 2024 14 118,75.

b) Day s6 (T,) 1a mot cap s6 nhan c6 Ty = 125 va cong boi ¢ = 0,05.
c) C ng thiic s6 hang tong quat ctia day s6 (7;,) 1a T, = 125 - (0,95)"" L, v6i n € N*.

) N

[oW

u diéu nay dugc thyc hién thanh cong thi uée tinh trong nam 2038 khdi lugng rac thai
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clia cong ty sé gidm di duge 50% so véi nam 2023.

Phan III. Cau tra 16i ngan Thi sinh trd loi tic cauw 1 dén cau 4

& Bai 1. Tit do cao 55,8 m cia thap nghieng Pisa nudc Y,
nguoi ta thd mot qua bong cao su cham xudéng dat (hinh
vé). Gia st mdi lan cham dat qui bong nay len véi do cao
bang 0 do cao ma qua béng dat duge trude dé. Tong quing
duong ma qua bong di chuyén tit khi tha cho dén khi dimng
han biang bao nhieu mét? (Két qua lam tron dén hang phan
chuc).

) 203 — Ta? + 11
Bai 2. Ket qua ctua i 8
& Bai et qua cua xi@m 326 - 205 — 5

& Bai 3. Mot doi tho ctt mdi thang dé duge mot doi tho con; moi doi tho con, khi tron hai thang
tudi, lai moéi thang dé ra mot doi thoé con, va qua trinh sinh nd cit thé tiép dién. Héi sau mot nam
sé ¢ tat cd bao nhiéu doi thd, néu dau nam c6 mot doi tho so sinh? Gia st thoi gian trong nam

nay khong c6 con thé nao chét.

.. . . 0 khit<O . ) ..
& Bai 4. Cho ham s6 H(t) = (ham Heaviside, thudng duge dung dé mo téa viéc
1 khit>0
chuyén trang thai tit/md ctia dong dién tai thoi diém ¢ = 0). Tinh lim H ().
t—0~
Phan IV. Tu luan

0 khiz =2

& Bai 1. Xét tinh lien tuc ctia ham s6 f(x) = 42 _ 4 tai diém x¢ = 2.
khi x # 2

& Bai 2. Cho hinh chép S.ABCD cé day ABCD 1a hinh binh hanh. Chon diém M trén canh AD
sao cho AD = 3AM, chon diém N trén canh BC sao cho BC = 3BN. Goi G la trong tam tam
giac SAB.

a) Xac dinh giao tuyén ctia hai mat phang (SAB) va (SCD).
b) Chitng minh ring SC song song v6i mat phang (GMN).

& Bai 3. Mot loai gach men c6 kich thuée hinh vuong 60 x 60 cm. Ngudi ta thiét ké hoa van cho
vién gach bang cach tao duong tron (C1) noi tiép hinh vuong ban dau, phan nam ngoai dudng tron
(C1) ma thuoc vien gach thi duge t6 mau dam. Tiép theo ho tao ra mot hinh vuong noi tiép dudng
tron (C}), bén trong hinh vuong nay lai ¢6 mot duong tron noi tiép (Cs); va ho tiép tuc to mau
dam cho phan nam ngoai duong tron (Cy) ma thudc hinh vuong nay. Quy luat nay ct thé tiép tuc
vo han lan. Hoi téng dién tich thuodc vé vién gach dugc t6 mau dam la bao nhiéu cm? (lam tron
két qua dén hang don vi)?
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Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 11 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Trong cdc ménh dé sau, ménh dé nao ding?

(A) Trong khong gian, hai dudng thiang cling song song véi mot dudng thang thit ba thi song
song vGi nhau.

Trong khong gian, hai dudng thing phan biét cling song song véi mot dudsng thing thi ba
thi song song vé6i nhau.

(©) Trong khong gian, hai duong thang phan biét ciing song song véi mot dusng thing thit ba
thi chéo nhau.

(D) Trong khong gian, hai duong ciing song song v6i mot dudng thang thit ba thi triing nhau.
¢ Cau 2. Cho tit dien ABCD c6 M, N lan lugt 1a trong tam tam gidc ABC va tam giac ABD,
F 1a trung diém ctia BC. Duong thing M N khong song song véi mit phang nao dusi day?

@A) (ACD). (ABD,). © (BCD). D) (ECD).
$> Cau 3. Cho hinh bén duéi. Khang dinh nao duéi day ding?

@® I € (ABQ). I € (BCD). © I (ABP). ©) I € (ABD).
¢S Cau 4. Gi6i han lim —2Fon bang

n—-+00 7—77],

2 -5 )

® —6. _Z © = ® 2.
7 7 7

3n+1 31

$> Cau 5. Cho day sb (u,) c6 s6 hang tong quat 1a u,, = Hoi 102

RN la s0 hang thi may cua

day s67?

@) 30. 20. © 18. (D) 10.

> Cau 6. Cho bang s6 lieu ghép nhom vé do tudi va s6 lugng khach hang ctia mot cita hang nhu
sau

Khoang tudi | [17;22) | [22;27) | [27;32) | [32;37) | [37;42)
S6 nguoi 8 7 14 8 7
Tinh gia tri dai dién ctia nhém [22;27).
) 37. 34,5. © 24,5. D) 32.
$® Cau 7. Cho hai goc a; 8 thoa mén o + 3 = g Héi khéng dinh nao sau day dang?

(A) sina = —sin 3. (B) sina = — cos §.
(© sina = sin S. (D) sina = cos 3.
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¢S Cau 8. Cho mau s6 lieu ghép nhom vé can nang va s6 ngudi nhu sau
Can nang | [45;51) | [51;57) | [57:63) | [63;69) | [69;75) | [75;81)
S6 ngusi | 25 2 9 34 34 9

Nhém chita t¢ phan vi thi nhat 1

@) [63;69). [57: 63). © [51;57). ®) [69;75).

$® Cau 9. Cac nghiém cia phuong trinh 2sinz =1 1a

-C(,’:z-i-kQﬂ' (v =2 + k2r
®| 3« (k € 2). I (k € 2).
r=——+k2r r=—+ k21
- 3 - 7%)’
x:%+k:27r x=—+ k27
© T (k€ Z). ) gﬂ' (k € Z).
r=——+k2m r=—+ k27
L 6 L 6
A .. . 3x_ , ., . S
$® Cau 10. Gi6i han lim c6 gia tri bang
=27 T —
A) +o0. B) —oc. © 3. D) 0.
¢ Cau 11. Cho cap sb cong (uy,), biét u; = —3 va ug = 9. Tim cong sai clia cap s6 cong nay.
@A) d = —6. B) d=12. ©) d=-12. (D) d = 6.

¢S Cau 12. Cho hinh chép S.ABCD c6 diy ABCD 1 hinh binh hanh tam O. Goi M, N, P lan
lugt 1 trung diém ctia SA, SD va AB. Khing dinh nao sau day sai?

@) (SBD)//(MNP). (MON)//(SBC).
© (SBC)//(MNP). D) (SBC)//(OPM).

Phan II. Tric nghiém diang sai Thi sinh trd [0i tw cau 1 dén ciu 2 moi i a) b) c¢) d) thi
sinh chon ding hodc sai
& Bai 1. Cho hinh binh hanh ABC'D va mot diém S khong thuoc mit phing (ABCD), cac diém
M, N lan luot la trung diém ctia doan thing AB, SC. Goi O = AC' N BD;

a) SO la giao tuyén ctia hai mat phang (SAC) va (SBD).

b) Giao diém I clia dusng thang AN va mit phang (SBD) la diém nam trén dudng thang SO.

c¢) Giao diém J ctia duong thing M N va mit phing (SBD) la diém nam trén dusng thang SD.

d) Ba diém I, J, B thiang hang.
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Chuong 1. BO DE ON TAP CUOI Ki 1

& Bai 2. Chi phi san xuat C' phu thudc lugng dau ra ciia san pham @, chang han:

Q+2 Khi 0 < Q < 3
C = = _ _
Q) % khi Q > 3.
a) Qlin& f(Q) khong ton tai.
b) Jim f(Q)=5.
¢) tim f(Q)=1.

d) Ham s6 f(Q) lién tuc trén (0; +00).
Phan III. Cau tra 18i ngan Thi sinh trd loi ti cau 1 dén cau 4
v —axr+b
T

) —_— 2
& Bai 1. Cho ham s6 f(z) = x—2 lién tuc tai x = 2. Tinh a — 2b.
5, r =2

& Bai 2. Mot bon chita nuée hinh tru bing nhua déo cao 4 m, ¢c6 mot ndp nhé beén tren dé bom
nudc vao thiing, trong thiing ¢é sin mot luong nude. Dé do chiéu cao muc nude trong thing ngusi
ta lam nhu sau: lay mot cay sao tre dai 5 m nhtng vao thiing sao cho mot dau cham day va mot
dau cham vé6i mat trén ctia bon nuée. Sau khi rat sao tre ra thi do duge phan sdo tre bi wét 1a 1,5
m (tham khao hinh vé). H6i muyc nuée trong thung cao bao nhiéu mét?

& Bai 3. Mot cau thang dudng lén cong troi ctia mot diém giai tri ¢ cong vien tinh Phi Tho duge
han bang sit c6 hinh dang céc bac thang déu la hinh chit nhat véi cting chiéu rong 1a 35 cm va
chiéu dai ctia n6 theo thit ty mdi bac ké tiép deu gidm dan di 7 cm. Biét rang bac dau tién cla
cau thang 1a hinh chit nhat c6 chiéu dai 196 cm va bac cudi cing cau thang 1a hinh chi nhat c6
chiéu dai 56 cm. Hoi gia thanh lam cau thang 1a bao nhiéu tien? Biét rang gid thanh lam mot mét
vuong cau thang dé 1a 1.250.000 dong. (Két qua lam tron dén hang trieu dong).

& Bai 4. Cho mau sb lieu ghép nhom vé chiéu cao ciia 25 cay dita gidng nhu sau:

Chidu cao (cm) | [0;10) | [10:20) | [20:30) | [30;40) | [40; 50)

S6 cay 4 6 7 ) 3

Trung vi ctia mau s6 lieu ghép nhém nay 1a M, = %. Tinh a + 5b.

Phan IV. Ty luan
& Bai 1. Tinh cac giéi han sau:
. 2 o .
a) ngrilm(n 2n + 3);

x? — dx

b) lim

x—4 ,1'—2

& Bai 2. Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh. Goi M la trung diém ctia
canh SB.

a) Tim giao tuyén ctia (SAB) va (SCD).
b) Tim giao diém J cia DM va (SAC).

& Bai 3. Cho mot tam giac déu ABC canh a. Tam gidc A;B,C; c¢6 cac dinh la trung diém cac
canh ctia tam gidc ABC, tam gidc AyB>Cy c6 cac dinh la trung diém céc canh clia tam giac
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A1 B,CY, ..., tam gidc A, 1B+ 1C,41 c6 cac dinh 1a trung diém cac canh ctia tam giac A, B,C,, . ..
Goi p1,p2,-- s Pny--. V& S1,59,...,5,,... theo thit ty la chu vi va dién tich cua cic tam giac
AlBlCl, AQBQCQ, Ce ,AanCn, Ce

C

A B

a) Tim gidi han cta cac day s6 (p,) va (S,).
b) Tim cac tong p1 +pa+ ...+ pn+ ... VA ST + Sy 4+ ...+ S, + ...

» Swwe targ va Bién soan: Lé /’Zz‘}z/{ )(/(a~03ﬁ9653362

49



Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 12 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

> Cau 1. Trong cac khéng dinh sau, khang dinh nao sai?

(A) C6 mot dudng thang di qua hai diém phan biét cho trude.

Ton tai bén diém khong cung thudéc mot mat phéng.

(©) Hai miat phang phan biét c6 mot diem chung thi ching c6 mot duong thang chung duy nhat
chita tat ca cac diém chung ctia hai mat phang do.

(D) C6 mot va chi mot mit phang di qua ba diém phan biét.

¢S Cau 2. Trong cac gidi han sau, giéi han nao bang 07
1 n
(A) lim(—3,02)" lim (—§> .
4 n
© lim(v/2)™. (D) lim (g) .

¢ Cau 3. Cho hinh chép S.ABCD c6 day ABC'D 1a hinh binh hanh. Goi M, N lan lugt 1 trung
diém ctia SA, SB. Ménh dé nao sau day ding?

@) MN//(SAC). MN //(SBD).
© MN//(SAB). ©) MN//(SCD).

¢S Cau 4. Day s6 (u,) duge goi la day s6 tang néu véi moi s6 tif nhien n > 1 thi

@ Upt1 > Up. Upt1 = Unp- @ Upt1 < Up. @ Upt1 = Up.
¢ Cau 5. Trong cic day so sau, day s6 nao la cap s6 nhan?

@A) 1;-1;1;-1;.. .. ®) —1;-3;—-5;—7;-9;....

© —1;2;4;8; 16,.... (D) —2;4;8;-16;32;. ...

.1 L R
$® Cau 6. Cho day so —5 0; ;... la mot cap so cong. Ménh deé nao sau day dung?
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Uy = —= Uy = 1
@ 2
d=1 d=0
1 1
U = —— U = =
© 12 D) 2
d= = d=1
2
. —15 .
$® Cau 7. Ket qua cia lim v 15 bang
z—2+ T — 2
15
@) +oo0. -5 ©) —oo. D 1
¢ Cau 8. Két qua clia gi6i han lim i 1a
x—b5 I —
@ 1. 2. © 0. ® 1.

& Cau 9. Tren duong tron luong giac, lay diém M thoéa méan AOM = g va diém N la diém déi

xitng v6i M qua O nhu hinh vé. S6 do clia cic goc luong gidc c6 tia dau OA va tia cudi ON 1a

Yy
Bl M
%
A A"
N B
s 4
@§+k27r(k:€Z). ?—Hmr(k:EZ).
2 2
@—gmﬂkeZ). @—%%—k‘%(lﬁeZ).
2 3
¢ Cau 10. Cho cac goc luong giac a,b théa man 0 < a < g; 0<b< g va sina = o cosb = £

Tinh cos(a + b).

8 g ©3\/ﬁ—8 ®5\/ﬁ—13
25° 25° 25 25

¢ Cau 11. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi I, J, K lan lugt la
trung diém cac canh AB, CD, SA. Khing dinh nao sau day ding?

@) (SBJ)//(ADK). (KID)//(SBJ).
© (SBC)//(IKD). D) (SDJ)//(IAK).
¢ Cau 12. Tim nghiém cta phuong trinh 1 + sinz = 0 trén doan [37; 57].
® -7 97” © 3. ®) 77”

Phan II. Trac nghiém ding sai Thi sinh trd 107t cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chop S.ABCD c6 day ABCD 1a ti gidc c6 cip canh déi khong song song biét
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Chuong 1. BO DE ON TAP CUOI Ki 1

AB cat CD tai E, AC cat BD tai F trong mat phang day (ABCD).
a) AC la giao tuyén ctia hai mat phang (SAC) va (ABCD).
b) Duong thang EF khong nam trong mat phang (ABCD).

¢) SF la giao tuyén ciia hai mat phang (SAB) va (SCD), SE la giao tuyén clia mit phang
(SAC) va (SBD).

d) Goi G = EF N AD. Khi d6, SG 1a giao tuyén ctia mit phang (SEF) va mat phang (SAD).

-3 Khi z < 1
& Bai 2. Cho ham s0 f(z) = q .23, . o va g(z) = 2* — 3z + 1. Xét tinh Ding -

Sai clia cac ménh dé sau.
a) Ham s g(z) gian doan tai diem zy = 1.
b) Ham s6 f(z) lién tuc tai diém z = 1.
c) Ham s6 y = f(z) — g(x) khong lien tuc tai diém o = 1.
1
) f(1) =

Phan III. Cau tra 18i ngan Thi sinh trd loi ti cauw 1 dén cau 4

d

3n? —2n+1
Bai 1. Tinh li .
& Bat L b s e 50— 13
2
-1
NN ol hipsa Y
& Bai 2. Biét ham s6 f(z) = ¢ = —4 lien tuc trén R khi tham so m = 7 <E la

mz+1 khizx <4
phan s6 t6i gian). Khi d6 2a + b bang?
& Bai 3. Hang taxi Xanh Viét Ditc dua ra gia cudc tai tinh Dak Lak duya trén s6 quang duong di
chuyén cho bdi ham T'(x) (ddng) khi di quang dusng x (km) cho loai xe 4 chd nhu sau
10000 khi0<z <1
T(x) =< a+13000(x —1) khil <z <30
b+ 11000(xz — 30) khi = > 30.

L . ) b .
Biét rang tien cuée duge cho béi ham s6 lién tuc trén (0; +00), khi d6 — bang bao nhiéu?.
a

& Bai 4. Cho tam giac ABC vuong tai A, do dai canh AB = 2025, d6 dai canh AC' = z (v6i z
1a 86 thyc duong thay dbi). Dung dudng cao AH clia tam giac ABC. Héi rang néu diem C cang
ngay cang tién xa diém A, cho dén mot lic nao dé diém C cach diém A mot khodng rat 16n thi do
dai duong cao AH tién veé gia tri bao nhiéu?

Phan IV. Ty luan
& Bai 1. Tinh céc giéi han sau:
a) Ly = J1U1_>Hi(1 — 3z);

3:2—9
b -5

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh thoi canh bang a, SA = SB = SC =
SD = a.
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a) Chiing minh dudng thang AB song song véi mat phang (SCD).

b) Goi G la trong tam tam gidac SAB. Mit phing (CDG) cit cic canh SA va SB lan lugt tai
hai diém £ va F. Tinh dién tich ti& gisc CDEF theo a.

& Bai 3. Cho hinh vuong H; ¢6 canh bang a (a > 0). Nguoi ta chia mdi canh ctia hinh vuong
thanh sau phan bang nhau va ndi cac diém chia mot cach thich hop dé c6 hinh vuong H,. Tit
hinh vuéng H, lai lam nhu trén duge hinh vuong Hs; cit tiép tuc nhu vay ta nhan dude day
cac hinh vuong H,, Hy, Hs, ..., H,, ... (tham khéo hinh vé). Goi S; 1a dién tich ctia hinh vuong
H;, i€{1;23;...}). D&t T = S; + Sa+ S5+ ...+ S, + ... Biét ' = 90, tinh a.

L

» Swwe targ va Bién soan: Lé /’Zz‘}z/{ )(/(a~03ﬁ9653362 53



Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 13 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

$© Cau 1. Cho goc lugng giac o thod man 0 < a < g Khéng dinh nao sau day la ding?
@) sina > 0. (B) cosa < 0. (© cota < 0. (D) tana < 0.
> Cau 2. Cho cap s6 cong (u,) v6i ug = 1, uz = —2. Cong sai cia cap s6 cong da cho bang
@) 3. —3. © 1. D) —1.
¢S Cau 3. Tap xac dinh ctia ham s6 y = tanx 1a
@ R\ {kr | k € Z). R\{g+k2w|kez}.
© R\ {k2r | k € Z). @R\{gwmykez}.
$> Cau 4. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh (tham khéo hinh vé). Khing
dinh nao duéi day la sai?

(A) Hai duong thang AD va SC cit nhau.

Hai duong théng SB va CD chéo nhau.

(©) Hai duong thing AC va BD cit nhau.

(D) Hai duong thang AB va C'D song song véi nhau.

¢ Cau 5. Cho hai day s6 (u,), (v,) ¢6 limu, = 3 va limv,, = —2. Khi d6 lim(u, + v,) bing

@ 6. —1. © 5. D 1.
$> Cau 6. Cho hinh hop ABC'D.A,B,C1D; (tham khao hinh vé). Mt phang (ACB;) song song
v6i mat phing ndo dudi day?

@A) (A1CD). (A1CDy). (© (A1C1B). (D) (AC,Dy). 1?1 o1
L
A : B

> Cau 7. Cho cac géc lugng giac a, b. Khang dinh nao sau day la ding?
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sin(a 4+ b) = sina. cosb — cos a. sin b.
sin(a + b)
cos(a — b) = cosa.cosb — sina. sin b.

= sina.cosb + cosa. sin b.

cos(a + b) = cosa.cosb + sin a. sin b.

n ®Oe®

$> Cau 8. Néu il_)rr% f(z) =3 thi QIEH [z + f(z)] bang

1. 4. © 3. D) 5.

& Cau 9. Trong khong gian, khang dinh nao dudi day dang?

®

(A) C6 duy nhat mot mat phing chiia hai duong thang phan biet.

C6 duy nhat mot mat phang chia ba diém phan biét.

(©) €6 duy nhat mot mat phang chita mot diém va mot dudng thang.

(D) C6 duy nhit mot mat phing chita ba diém phan bigt khong théing hang.

$> Cau 10. Cho dudng thang a song song véi mit phang (P), mit phang (Q) chita duong thing
a, mat phing (Q) cit mat phang (P) theo giao tuyén la dudng thing b. Khang dinh nao dudi day
la ding?

) a cit b. a va b chéo nhau.

(©) a song song vdi b. (D) a trung b.

¢ Cau 11. Khang dinh nao sau day la ding?

2 =a+kr

(A) cosx = cosa & (k € Z).
z=7—a+kn
(2 =a+k2

(B) cosz = cosa & " (keZ).
| v = —a+ k27
(s =a+k

(© cosz = cosa & " (keZ).
|z =—a+km
(2 =a+ k21

(D) cosx = cosa & (ke Z).
| r=7—a+ k27

¢ Cau 12. Cho day sb (uy,) véi u, = 2n + 1, n € N*. Gia tri uz bing

@) 5. 6. © 8. D 7.

Phan II. Trac nghiém ding sai Thi sinh trd 107t cau 1 dén cau 2 méi i a) b) c) d) thi
sinh chon ding hodc sai
x

khizx <1
va g(x) = 2% — 3z + 1. Khi doé:
khix>1

& Bai 1. Cho ham s6 f(x) = 22 3p 19

2 —1
o . 1
a) Gi6i han lim f(z) = =.

z—1t 2

: e 1
c) Gi6i han 9161_>n% f(z) = 3161_% g(x) = 3

d) Ham s6 f(z) lien tuc tai diem z = 1.

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh thang (AD song song véi BC va

)
b) Ham s6 g(z) lién tuc tai diem zq = 1.
)
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Chuong 1. BO DE ON TAP CUOI Ki 1

AD > BC). Goi M, N lan lugt 1a trung diém ctia SA, SD (tham khao hinh v&).
a) Duong thang M N song song v6i mat phang (SBC). S
b) Giao tuyén ctia hai mit phang (SAC) va (SBD) la dudng
thang di qua S va O, véi O la giao diem cia AC va BD. N
¢) Dudng thing C'D khong cat mat phang (SAB).
d) Giao tuyén ctia hai mat phang (SAB) va (SCD) la duong D
thing di qua S va song song v6i duong thang AB.
B C

Phan III. Cau tra 16i ngan Thi sinh trd 10i tu cau 1 dén cau 4

& Bai 1. Trong Vat li, phuong trinh tong quat ctia mot vat dao dong diéu hoa cho bédi cong thiic
z(t) = Acos(wt + ¢), trong dé ¢ 1a thoi diém (tinh bing giay), z(¢) 1a li do ctia vat tai thoi diém
t, A la bien do dao dong (A > 0) va ¢ € [—m; 7] 1a pha ban dau ctia dao dong. Xét hai dao dong

diéu hoa c6 phuong trinh: z;(t) = 2 cos (gt + %) (cm) va z5(t) = 2 cos (gt - g) (cm). Tim bién

do ctia dao dong tong hop x(t) = z1(t) + 22(t). (K& qua lam tron dén hang phan tram)
5) 1—+v4 4
vortlo VAT g g

& Bai 2. Cho ham s6 f(z) = 21293 —6 . Tim gia tri m dé ham sb f(z)
m — 1—5 khi z < 3

lien tuc tai diém z = 3.

& Bai 3. Cho mau s6 lieu ghép nhém cho bdi bang sau:

Nhém | [5;10) | [10;15) | [15;20) | [20;25)
Tan sb6 | 18 a 13 18

. . . s 103 .
Uéc luong s6 trung binh ctia mau s6 lieu ghép nhém trén, ta duge két qua la 7 = - Tim tan so

a cia nhom [10;15), biét rang a 1a s6 tu nhien.

& Bai 4. Mot hoc sinh bat dau thuc hien ké hoach tiét kiem tién dé mua mot mén do cong nghe.
Trong tuan dau tién, hoc sinh dé tiét kiem duge 20 nghin dong. Ké tit tuan tht hai tré di, moi
tuan hoc sinh d6 tiét kiem duge s6 tién nhiéu hon 15 nghin dong so véi tuan lién trude d6. Hoéi sau
16 tuan thyc hien ké hoach tiét kiem, hoc sinh dé sé tich lity dugc tong cong bao nhiéu tién (tinh
bang don vi nghin dong)?

Phan IV. Ty luan
& Bai 1. Tinh cac giéi han sau:
a) Ly = il_)lr%(l — 3z).

2 _
b) Ly — lim &2

=3 3 — 1

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N, Q lan lugt 1a trung
diém cac canh AB,CD,SA.

a) Tim giao tuyén ctia mat phang (SAC) va (SBD).
b) Ching minh SB//(MNQ).
c¢) Tim giao diém ctia SD vA mat phang (M NQ).
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 14 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

& Cau 1. Gid trj ctia lim ~— 2" 1a
n+2
1
@) 0. B) 5 © —2. D 1.
<$® Cau 2. Khéng dinh nao sau day sai?
2024 n
@) lim =0. lim (\/§) = +o00.
2025
©) lim 2 = 0. (D) lim E = 0.
3 3
a N £ P’ . TL2 2
¢S Cau 3. Tim so thuc a khac 0 sao cho lim P 2.
n —
1 1
@a:—§. B) a = —2. © a=2. @azﬁ.
$® Cau 4. Tinh gi6i han L = lim )
z—3+x — 3
@A) L= —cc. B L=0. © L = +oc. (D) L=5.
¢S Cau 5. Gia s lir% f(z)="5va lir% g(x) =6, khi d6 lirr% [2f(x) — g(x)] bang bao nhieu?
T— T— r—
@) 1. 11. © 4. D 8.
va2+3x .
$» Cau 6. Cho ham s6 g(z) = 20240 £ 1 Tim xll)r_noo [g(x) —1].
2025 ® 2023 2025 2023
2024 2024 2024 2024

¢ Cau 7. Mot cong ty sén xuat giay da da xac dinh duge réng, tinh trung binh mot cong nhan cé
thé lam duge f(z) =

doi giay moi ngay sau khi duge dao tao ¢t ngay. Tinh hm f(x).

15+ 2z
16
= 16. © 15. D 8.
¢S Cau 8. Ham s6 nao trong cac ham s6 dudi day khéng lién tuc trén R?
x
@ Yy = COST. Yy = m
©y= D) y = 22 + 62 + 20.

r+1
¢ Cau 9. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan lugt 1 trung
diém ctia AD va BC. Giao tuyén ctia hai mat phang (SMN) va (SAC) 1a

@ SD.

SO (O 1a giao diém hai dudng chéo ctia hinh binh hanh ABC D).
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Chuong 1. BO DE ON TAP CUOI Ki 1

(© SE (E la trung diem AB).
(D) SF (F la trung diem ctia CD).

> Cau 10. Cho tt dien ABCD; I, J theo thit tu la trung diém ctia AC, AD; G la trong tam tam
giac BCD. Giao tuyén ctia hai mat phang (GI.J) va (BCD) la dudng thing

(A) Qua I va song song v6i AB. Qua J va song song véi BD.

(©) Qua G va song song véi C'D. (D) Qua G va song song véi BC.
$> Cau 11. Cho hinh hop ABCD.A'B'C'D'. Mit phang (AB'D’) song song véi mat phang nao
trong cac mat phang sau day?

@A) (BC'D). (BCA"). © (ACC). (D) (BDA").
¢ Cau 12. Cho mau s6 lieu ghép nhém vé can ning va sd nguoi nhu sau
Can nang | [45;51) | [51;57) | [67;63) | [63;69) | [69;75) | [75;81)
S6 nguoi 25 2 9 34 34 9
Nhoém chia ti phan vi thit nhat 1a

@A) [63;69). [57;63). © [51;57). D) [69;75).

Phan II. Trac nghiém ditng sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

x?2—9

& Bai 1. Cho ham s6 f(x) = z° +1217
a— 9 khi z = —3

khi z # —3

a) Ham s6 f(z) xac dinh tren R.

11

b) f(—3):a—§'
) x2—9
C) xll>n;l3f< >—xll>m3 1’3—{—27

d) C6 23 gia tri nguyén ctia a € (0;25) dé ham s6 gian doan tai x = —3.
& Bai 2. Cho ttt dien ABCD. Goi M la diém trén canh AB, N 1a diém thuoc canh AC sao cho
M N khong song song véi BC. Goi P la diém ndm trong ABCD. Khi dé:

a) MN = (MNP) N (ABC).

b) Giao tuyén clia hai mit phing (M NP), (BCD) la dudng thang cit BC.

¢) Giao tuyén ctia hai mat phang (M N P), (ABD) la duong thang cit AB va DC.

d) Giao tuyén ctia hai mat phang (M NP), (ACD) la duong thang cat AB va DC.

Phan III. Cau tra 16i ngan Thi sinh trd l0i tu cau 1 dén cau 4
& Bai 1. Biét ring m_l)lmf%gi_—i;/_ av/3 +b. Tinh a + b.

& Bai 2. Anh Binh mudn lam ké rubic ¢6 dang nhu hinh, nén da thiét ké bang viéc tao ra mot
hinh chép tam giac sau d6 cit phan dinh nhu hinh vé. Cu thé anh Binh lam 1 hinh chép S.ABC
c6 day la tam giac ABC ¢6 AB = AC =5 (cm), BAC = 30°. Sau d6 dung mat phang (P) song
song v6i (ABC) cat doan SM tai M sao cho SM = 2M A rdi cit dé tao san pham. Héi dién tich
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thiét dien sau khi cit thanh san pham hoan chinh 14 bao nhiéu? (Iam tron dén hang phan tram)

S

& Bai 3. Mot budi chiéu no, bén bép lita hong trong gian nha am ap, ngudi ta nhin thiy ba me
con cuing ngodi an dau phong rang. Tam &n trudc, co boc 1 hat dau va bo vao miéng; Cam 1a nguoi
bbc dau tiép theo, co bd hai hat dau vao miéng; di ghé 14 ngudi bée dau tiép theo lien bé 3 hat vao
miéng. Tré lai lugt ctia Tam, co lay 4 hat dau, roi Cam lay 5 hat dau, di ghé liy 6 hat dau... Bita
an hao hitng nhu thé cho dén lugt cudi cung thi s6 hat dau khong du theo quy luat tro choi, nguoi
nao dén lugt cudi sé 1ay hét s6 hat dau con lai. Sau bita &n Am ap ay, Tam nhan ra minh da cho
vao bung khoang 317 hat dau. Héi tong sé dau ma ba me con da an trong téi do 1a bao nhieu?
& Bai 4. Cho tam gidc déu canh 1, bén trong c6 vo han cac duong tron tién vé cac dinh ciia tam
gidc déu d6. Moi duong tron tiép xic v6i cac duong tron khac va véi cac canh clia tam gidc. Tinh
tong dien tich clia tat cd cac duong tron (lam tron két qua dén hang phan tram).
Phan IV. Ty luan

& Bai 1. Tinh

2n? +5
InZ+n+1

b) lim (va?+7z+5+ 2z).

T—r—00

a) lim

& Bai 2. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O. Goi M, N lan lugt 1a trung
diém cta SA, SB.

a) Chting minh (OMN)//(SCD).

b) Goi K la diém bat k¥ tren M N. Chiing minh OK //(SCD).
& Bai 3. Mot ky thuat vien trac dia dung may GNSS 2 tan RTK chuyén dung két ndi tram tham
chiéu quoc gia da do duge bac thit nhat clia mot khu ruong bac thang 6 Mu Cang Chai c6 do
cao 953,4 m (sai s6 0,05 m) so véi myc nuée bién. Biét rang thita ruong & bac thit hai cao hon 2
m so v6i thita ruong ¢ bac thit nhat, va ké tit bac thit ba trd len thi mdi bac cao hon bac ngay dudi
né 0,7 m. Hodi thita ruong cao 964,5 m so v6i muc nude bién la thita ruong ¢ bac thit bao nhieu?
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Chuong 1. BO DE ON TAP CUOI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 15 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
—2n® +n

n?+1

@A) A= —oo. ® A=-2. © A= +cc. D) A=0.
¢ Cau 2. Cho hai ham s6 f(x), g(r) théa méan lir% () = 4 va lin%g(x) = 1. Gia tri cua

T— T

lim [f () + g(x)] bing

@) 5. 6. © 1. D) —1.
¢ Cau 3. Ham s6 nao sau day gian doan tai z = V3?7

2 2
@y_x—\/g' y—xQ—H-

(© y =sinz. O y=a2%-3.

¢S Cau 1. Tinh A = lim

. ) . ——— khix #2
¢S Cau 4. Tim gia tri thyc ciia tham s6 m dé ham s f(x) = T — 2 lién tuc

m khiz =2
tal x = 2.

@A) m = 0. ® m=1. © m=2. D) m =
¢S Cau 5. Day s6 nao trong cac diy s6 sau day c6 gidi han bang 17
2n

pu— 2 pu—
@ up =n*+n. ® ay, 5
1 2n
@Unzg' @bn: —

> Cau 6. Gid tri ctia P = lim S22

z—1- r—1

@ 0. o0, © - ®) _%.

n—2

bang

22+1 khiz>0

. Khang dinh nao sau day sai?
x khi z <0

¢ Cau 7. Cho ham s6 f(x) = {

@ f(1) =2
lim f(z) =1.
z—0t
(©) Ham s6 f(z) lien tuc tai x = —1.
(D) Ham s6 f(z) lien tuc tai x = 0.
> Cau 8. Cho hinh chép S.ABCD c6 day ABCD. Goi M va N lan lugt 1 trung diém ctia SA
va SC. Khing dinh nao sau day ding?
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@ MN //(ABCD). MN //(SAB). S
@© MN//(SCD). ©) MN//(SBC).

D C

¢ Cau 9. Cho hinh chép tit giac S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi I, J lan lugt
la trung diém ctia SB, SD. Trong cac dudng thing sau, dudng thang nao song song véi I.J?

(A) AB. CD. © AC. (D) BD.
¢S Cau 10. Cho hinh chép S.ABCD, day 1a hinh thang c6 AB//CD. Giao tuyén ciia hai mit
phang (SAB) va (SCD) 1a

@A) SI,véi I = ADNBC. Sz, v6i Sz //AB//CD.

© Sy, véi Sy// AD. (D) SO, véi O = AC N BD.
$® Cau 11. Cho hinh lang tru tam giac ABC.A’B'C’. Khing dinh nao sau day la ding?

@) (ABC)//(AB'C). (BA'C")//(B'AC).

© (ABC")//(A'B'C). D) (ABC)//(A'B'C").

2 b 2
$> Cau 12. Biét lin Lx;c _ 5 (b,c € R). Két qué diing cita bidu thitc T = b+ ¢ Ia
Tr—r xr —

@A) T = —5. ® T =-3. ©T=1. D T = —6.

Phan II. Tric nghiém diang sai Thi sinh trd [0i tu cau 1 dén cau 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
& Bai 1. Anh Huy sau khi ra trudng va xin vao lam cho mot cong ty véi miic luong khéi diém
12 102 trieu dong mot nam. Ct sau mdi ndm, cong ty tra cho anh Huy s6 tién gap 1,2 lan sb tién
nam truée do. Goi u,, (tricu dong) 1a s6 tien luong ma anh nhan duge nam tht n. (Gia thiét anh
Huy lam viéc lién tuc & cong ty dé trong n nam ma khong nghi).

a) SO tien luong anh Huy nhan dugce nam thit ba 1a 122,4 triéu dong.

b) Tong s6 tién luong anh Huy nhan duge sau 6 nam la trén 1 ti dong.

¢) Day s6 (u,) la cAp s6 nhan ¢6 u; = 102 va cong boi ¢ = 1,2.

d) Gi4 stt mdi nam, anh Huy tiét kiem 35% sb tién luong nhan duge thi sau it nhat 8 nam di

lam anh Huy du tién mua duge 1 chiée xe 6 to6 VF5 tri gid 537 trieu dong.

& Bai 2. Xét tinh ding sai ctia nhitng khang dinh duéi day:

L 2025
a) Cho ham sb6 g(z) = 3 ta co lim g(x) = 4o00.
— X z—3
. 2 42025 ~ ) '
b) Ham s6 f(z) = PP lien tuc trén khoang (—oo; 3).

¢) Ban An tinh tong clia cac s6 tu nhién tit 1 dén 9 va ra duge két qua 1a mot sé chinh phuong.
Quan sat qua trinh An tinh toan, Khang méi bao: “Cau da cong mot s t6i tan hai lan, tong
nay gom 10 s6 chit khong phéi 9 s6”.

&t 80 2 4 11n + 2025
Biét s6 ma An da bi lip lai khi tinh 1 a. Khi d6 lim 0" _

=4.
2n2 4+ n — 2009

» Swwe targ va Bién soan: Lé /’Z[n/{ K/{a~03ﬁ9655362



Chuong 1. BO DE ON TAP CUOI Ki 1

d) Cho day s6 (u,) v6i u, =an’+n—1véia € R Néua=1thi lim wu,=1.

n——+o0o
Phan III. Cau tra 16i ngan Thi sinh trd 10 tu cau 1 dén cau 4

& Bai 1. Ham s6 y = f(z) ¢6 do thi nhu hinh bén. Gia tri ciia lim f(z) bang bao nhiéu

z—1-
Y
3
19 x
z? — 3z 42 ,
. N —— — khizF2 o fl@) 1l
& Bai 2. Cho ham s6 f(x) = x—2 . Tinh lim ———— (két qua viet dudi
1 Khi 2 — a——oco 5T + 10

dang s6 thap phan)

L 213 40 .
& Bai 3. Biét rang lim oLt a véi 4 la phan so toi gian. Tinh a + b.
5 35 —Tx b b
& Bai 4. Tréen tia Ox lay cac diem A, Ay, As, ..., A,, ... sao cho v6i mdi s6 nguyén duong n

théa man OA, = n. Trong ciing mot nita mat phang c6 by la duong thang chita tia Ox, vé cac
nia duong tron duong kinh OA,, v6in = 1,2,3,.... Ki hiéu s; la dién tich nita hinh tron ducng
kinh OA; va v6i moi s n > 2, ki hieu s, 1a dién tich ctia hinh gi6i han béi nita duong tron dudng
kinh OA,,_4, nia duong tron duong kinh OA,, va tia Oz (tham khéo hinh vé).

Chting minh riang day s6 (s,) 1a mot cap s6 cong. Tinh tong 2024 s6 hang dau tién clia cip s6
cong do.
Phan IV. Ty luan
& Bai 1. Tinh cac giéi han sau:
. 2% +5n—17
a) lim ———
n—+oo Hn? —n + 19

V3T =22
b) Tim 5%

m
=2 —3x2 4+ 22 4 8

r? — 4z +3 :
) —— Lkhiz>1 , L s
& Bai 2. Ham so y = f(z) = r—1 . Tim a dé ham so lien tuc tai diem
axr — 3 Jkhix <1
r =1
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& Bai 3. Dé chao xuan At Ty 2025, mot trung tam tai chinh mudn ding 30025 dong tién xu dé
xép mot mo hinh kim ty thap. Biét rang tang dudi cuing c6 2401 dong va cit lén thém mot tang
thi s6 dong xu giam di 100 dong, héi mo hinh kim tu thap nay c6 tat ca bao nhiéu tang?

& Bai 4. Cho bén diém khong dong phang S, A, B, C. Goi I, H lan lugt 1 trung diém ctia SA, AB.

Tren SC lay diém K sao cho IK khong song song véi AC' (K khong trimg véi cac dau mut). Tim
giao diém FE clia duong thing BC véi mat phang (IHK).
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LOI GIAI BO DE ON
TAP CUOI KI 1

TOAN THAY KHA DE ON TAP CUOI KI I 2026 - 2027
DPE SO 1 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phat dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd loi ti cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
¢S Cau 1. Trong cac ménh dé sau. Ménh dé nao 13 sai?
(A) Hai mat phang song song thi khong c¢6 diém chung.
Hai mit phang cling song song véi mot mat phang thit ba thi chiing song song véi nhau.
(O) Hai mat phang song song v6i nhau thi moi dudng thang nim trong mat phang nay déu song
song v6i mit phang kia.
(D) Mot mat phang cat hai mat phang song song cho trude theo hai giao tuyén thi hai giao tuyén
song song v4i nhau.

[ HUU/W cz,/a‘)z,cz'(éz'. Hai mat phéng cling song song v6i mot mit phang thi ba cé thé triing nhau
C
(ménh dé chi ding khi hai mit phang d6 phan biét). Do d6 ménh dé & phuong an B 1a sai.

Chon B.
¢ Cau 2. Cho day (uy,) c6 limu, = 3, day (v,) c¢6 limv, = 5. Khi d6, lim(u,,.v,) bang:
@) 8. 3. © 15. D) 5.
[} Haozy f/f?/z(j)z'(z’z'. lim(uy.v,) = limu, - limv, =3-5 = 15.
Chon C.
$> Cau 3. Cho hinh hop ABCD.A'B'C'D’. Mat phang (A'BD) song song véi mit phang nao sau
day?
@) (BCA). (BC'D). © (CB'D). (D) (BDA").
o Hoeong Jf;‘,é gidi. Ta c6 A'B//D'C va A'D//B'C nen (A'BD)//(CB'D").
Chon C.

¢S Cau 4. Trong cac diy so sau, day so6 ndo khong phai cap s6 cong?
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@ 31 -1 -2 4. 3313133
©) —8;—6;—4;—2;0. D) 1;1;1;1;1.
[} /—[m)‘igﬁ din gici. Day & phuong an A c61—3=—-2, —1—1=-2, —2—(—1)=—1+# —2 nén

BRG]

khong phai cap s6 cong.
Chon A.
$® Cau 5. Cho hinh hop ABCD.A’B'C'D’. Khing dinh nao sau day la dang?
(A) Hai canh AA’ va B'C" 1a hai canh dbi dien.
Hai mat ADD'A’ va BCC'B’ 1a hai mit phang déi dien.
(C) Hai dinh A va C' 1a hai dinh doi dién.
@ Hai canh AA’ va DD’ 1a hai canh d6i diéen.

”‘”(7 ,,(z‘/éjzfazf, al mat va ong c6 diém chung va song song vol nhau
N eong din gidi. Hai ADD'A’) va (BCC'B') khong ¢6 diém chung va 5i nh
nén la hai mat doi dién.

Cac phuong an con lai sai: AA’ ddi dien véi CC'; A déi dien véi C.
Chon B.

3
. —2
& Cau 6. Két qua cta lim —37; - ﬁ 5 la:

@) —oc. o0, © o. o)

W

n n?
Chon B.
¢ Cau 7. Cho cap s6 nhan (u,) c6 so6 hang dau u; = 5 v cong boi ¢ = —2. S6 hang thit sdu clia
(uy,) la:

@ ug = —160. ug = 320. © ug = 160. ©) ug = —320.
e lucong f/afndm'afz. ug =y - ¢° =5 (—2)° = —160.

Chon A.
$> Cau 8. Cho cap s6 nhan (u,) c6 u; = —3 va ¢ = —2. Tong 10 s6 hang dau tién ctia cip s6 nhan
da cho la:
@A) Sip = —511. S1o = 1023.
© Sy = —1025. (D) S1o = 1025.
. 1 —¢'0 1—(=2)%° —1023
l& Héé'o‘/ﬁ (/dll(flf(él,.. SlO = Ui - 1 _qq =-3- % =-3- T = 1023.
Chon B.
$® Cau 9. Day s6 (u,) duge goi 1a day s6 tang néu
@ Upt1 > Upto VO MOi 1 € N*. Upt1 < U, VO MOi n € N,
@ Upt1 > U, VO MOi N € N, @ Uptg < Upio VO MOi n € N*.

() Hwa/ﬁ f/('z‘}zdm'dz'. Theo dinh nghia, day s6 (u,) 1a day s tang néu u,,; > u, v6i moi n € N*.
Chon C.

¢ Cau 10. Ham s6 nao trong cic ham s6 duéi day khong lién tuc tréen R?
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

@y:x2+6x+20. y:
@yzcosa:. @y:x+1.

X wong din oic/, Ham sb Y= o khong xac dinh tai x = —1 nén khong lién tuc trén R.
J <j x+1

x
2 +r+2
x

Céc ham con lai déu lién tyc trén R (6 phuong an B, 2% + 2 + 2 > 0 véi moi z).
Chon D.

2
_9 .
¢S Cau 11. Gidi han lim v ot bang
z—1 x4+ 1

@ 2. ® 1. © o. D) 3.

. 2-2r+3 1-2+3
X lwong din oidi. lim v T = * =
(/ (7 z—1 r+1 1+1

Chon B.
$> Cau 12. Cho hinh lang tru ABC.A’B'C". Khang dinh nao sau day sai?

(A) AC//(A'B'C). AA'//(BCC'B’).
© AA'//(AA'C'C). (D) B'C'//(ABC).
(2} /-Zuo‘g f/(?/z(jz'(éz', Duong thing AA’ ndm trong mat phang (AA’C'C) nén khang dinh AA’//
(AA'C'C) 1a sai.
Chon C.
Phan II. Trac nghiém ditng sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai
& Bai 1. Cho lang tru tam giac MNP.M'N'P'. Goi I va J lan lugt la trung diém ctia MN va
M'N’. Khi d6: Cac ménh dé sau dung hay sai?
a) IJ//MP'.
b) (MNP)//(M'N'P').
c) PP’ song song (IP'J).
d) Giao tuyén ctia (PM'N’) va (P’MN') la dudng thang di qua giao diém ctia hai duong thang
PJ, PI.

[ Ha‘o‘% f/d/z(fzfrézf.

P/
1
7
Vi ]
o 1
/ ) |
M J ,/ :
\\\ /, |
\\\ / 1
SN u[( :
S
el 1
// \\\ :
J NN
,/ -7 P
, 1--
’ _--
/-
_ 7
-="| 7
,”‘ 4
— - ,
M 1 N

a) Sai. Vi IJ//MM' ma MM’ cit M P’ tai M nén I.J khong song song véi M P’

b) Diing. Hai day ctia hinh lang tru nam trong hai mat phang song song.
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c)

& Bai 2. Két qua do chidu cao (don vi: mét) ctia 100 cay keo 3 nam tudi tai mot nong trusng

Sai. Vi IJ//PP' va P' € (IP'J) nén PP’ C (IP'J), do d6 PP’ khong song song véi (I P'J).
d) Sai. Goi K = PJ N P'I. Khi d6 K € (PM'N") nhung K ¢ (P'MN') (vi PJ va P'I nim
trong mat phang (PP'I.J) chit khong thuoc (P’MN')), nén giao tuyén ctia hai mat phang da

cho khong di qua K.

dugce cho & bang sau

a) S
b) M
c)
d)

a)

b)

Chidu cao (m) | [8,4;8,6) | [8,6:8,8) | [8,8:9,0) | [9,0:9,2) | [9,2:9,4)
S6 cay 5 12 25 44 14

trung binh clia mau s6 lieu ghép nhom 1a T = 8,9 (m).
Mau s6 lieu ghép nhém trén c6 5 nhém so lieu.
Hiéu gitta t phan vi thit ba va tit phan vi thi nhat bang 2,06.
S6 cay keo ¢6 chiéu cao khoang 9,1 (m) 1a nhiéu nhat.
mfy a/mzc/zaz,'.

Sai. Gia tri dai dién cdc nhom: 8,5; 8,7; 89; 9.1; 9,3.
5-85412-87+25-89+44-9,1+14-9,3 900

7= ’ =2 290 (m).

100 100

Dung. Mau s6 lieu ¢6 5 nhém.

c) Sai. Tan s6 tich liiy: 5; 17; 42; 86; 100.

100 25 — 17

Nhom chita Q1 12 8,8:9,0) (Vi —= = 25): Q1 =88+ -0,2 = 8,864.
3. 100 75 — 42

Nhom chita Q5 1. 9,0:9.2) (i “— = = 75): Q3 = 9.0 + 0,2 = 9,15.

Vay Ag = @3 — @1 = 9,15 — 8,864 = 0,286.

d) Dang. Nhom [9,0;9,2) ¢6 tan s6 16n nhat (44 cay), gia tri dai dién 1a 9,1 m.

Phan III. Cau tra 16i ngan Thi sinh trd 10i tw cau 1 dén cau 4

& Bai 1. Minh dé cac qua 6c ché vao 20 céi gié theo quy luat: S6 qua & gié sau luon hon sé qua
clia gié ngay trudc né mot luong qua khong déi. Minh nhan thay téng s6 qua & hai gié thit 4 va

thtt 17 14 42 qua. H6i Minh da bé tat cd bao nhiéu qua 6c ché vao cic gio?

o Hmfn(/p din gici. Goiup, s, ..., us 12 s6 qua & céc gid thit 1,2, . .., 20. Day 1a mot cap s6 cong.

voo

Vid+17=1+20 =21 nén uy + ugg = Usg + U7y = 42.

2 A 2 4 21N
Tong so qua oc cho la

20 (Ul + Ugo)

=10 - 42 = 420.
2

S20 =

Vay Minh da bé tat cd 420 qua 6c ché.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

-1 P
& Bai 2. Biét hmm—\/—aw’ﬁ a la phan so toi gian va a,b € N*. Tinh a + b.
a—13x2 —2x — 1 b b2

N luong a/mz(jz(zz Ta c6 322 —2x — 1 = (x — 1)(3z + 1) nén
V3(z —1) V3 V3
— 1

= lim =
X

lim
—-13x +1

x—1 322 — 2 — 1

3 3 L.
SuyraTa:\/T—,tfrcb%zﬁléphan SO t0i gidn nén a = 3, b = 4.
Vaya+b=T1.

& Bai 3. Cho mot hinh vuong 16n c¢6 canh bang 1. T hinh vuong nay, ta thic hién qua trinh to

mau nhu sau:
& Budc 1: To mau tam gidc vuong c6 2 canh 1a canh ciia hinh vuong ban dau (nhu hinh vé).

& Bude 2: O tam giac vuong con lai chua duge t6 mau, ta dung hinh vudong méi c¢6 3 trong 4
dinh 1a trung diém ciia cac canh ciia tam gidc. Sau d6 lip lai nhu bude 1.

Bué6e 2 dugc lap lai lien tuc. Tinh tong dién tich phan t6 mau (Iam tron dén hang phan tram).

1

> > . 7 N 2, Z z . z 1 L N N L
[ Ha’o‘ﬂ(j f/a'?n(/m'(zz, Tam giac t6 mau 6 buée 1 ¢6 dién tich 3 Tam giac chua t6 mau la tam giac
vuong can c6 hai canh géc vuong bang 1. Hinh vuéng méi c6 canh bang mot nita canh hinh vuong

ban dau (cac dinh la dinh géc vuong va trung diém ba canh clia tam giac), titc canh 2 nén dién

.1 R
tich bang 1 dién tich hinh vudéng ban dau.

Do d6 dién tich cac tam giac t6 mau lap thanh cap s6 nhan lui vo han véi s6 hang dau u; = —

cong boi ¢ = 1

N =

U
S pu— pr— =
l—q 1-—
Vay tong dién tich phan t6 mau xap xi 0,67.

& Bai 4. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi N la trung diém cta
BC, M thuoc canh SC sao cho SM = 2MC. Biét duong thang SD cit mat phang (AMN) tai

~ (0,67.

Wl N

=
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diém I va SD = 25 cm thi ST bing bao nhiéu centimet?

o Vecong (1,/(5)1(,717(517. Trong mit phéng (ABCD), goi K = AN NCD. Vi AABN = AKCN nén
CK = AB = CD, suy ra C la trung diém ctia DK.

Taco KM C (AMN)va KM C (SDK) nén I = KM N SD.

Trong tam gidc SDK, SC 1a trung tuyén va SM = 2MC nén M la trong tam tam giac SDK.

Do dé6 KM la trung tuyén, hay I la trung diém ctia SD.

D 2
VaySI:ST:;:Hﬁcm.

Phan IV. Ty luan

& Bai 1. Tinh cac giéi han sau:

. 3n +v9In? —2n
a) lim :
n—+o00 2n +1
b) lim L2
r—3- T — 3

[ Haogzj (1’(5)2(717(212. a) Chia ca ti v mau cho n:

R ZO Sl Ut I o

lim im T 3.
n—+o00 2n+1 nodoo 24 = 2
b) Khiz -3 thiz -5 - -2<0,conz—3—=0vazr—3<0.Tacoé lim (z —5)=-2<0
T—37
-5
vaxr—3— 07, nén lim,_,3- z 5 = +o00.
x_

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N lan luot
la trung diém ctia SA va AD.

a) Tim giao tuyén ctia hai mat phiang (SAC) va (SBD).
b) Chitng minh ring dudng thing SC song song v6i mat phang (OMN).
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

e luong f/(g;yzf(zzz, a) Ta ¢6 S 1a diém chung ctia (SAC) va (SBD).

ViO=ACNBD nén O € AC C (SAC) va O € BD C (SBD), ttic O ciing la diém chung.
Vay (SAC)N (SBD) = SO.
b) Vi ABCD la hinh binh hanh tam O nén O la trung diém ctia AC.

Trong tam giac SAC, M la trung diem SA va O la trung diéem AC nén OM la duong trung
binh, suy ra OM //SC.

Ma OM C (OMN) va SC ¢ (OMN) nen SC//(OMN).

& Bai 3. Trén biic tuong clia mot trudng mau gido c6 vé hinh phiéu bé ngoan nhu hinh vé bén
dudi. Co gido mudn mua day kim tuyén bao quanh phan canh hoa (phan nét lién), biét rang céc
canh hoa la cac cung tron c6 ban kinh bing nhau va c6 tam cach diéem O mot khoang 45 cm, cac
giao diém clia cac cung tron cach O mot khoang 40 cm. Em hay gitp ¢6 tinh xem can mua bao
nhiéu mét day kim tuyén? (lam tron két qua dén hang phan tram).

[ Hao‘nj z/r’z”/z(fzf(ézf. Hinh gom 5 canh hoa bang nhau, méi canh la mot cung tron tam I (tam
cach O 1a 45 cm), noi hai giao diém lién tiép M, M’ ndm cach O 1a 40 cm.
360°
5-2
Trong tam giac OIM c6 O = 45, OM = 40, theo dinh 1y cosin:
IM? = 45% 4+ 40> —2-45-40c0s 36° ~ 712,54 = R =IM ~ 26,69 cm.

Do tinh déi xitng, 5 tam cach déu nhau nén TOM = = 36°.
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Tiép tuc dung dinh Iy cosin dé tinh OIM:
102 + IM? — OM?
2-10-1IM

Phan cung bi khuyét (phia trong, huéng vé O) c¢6 s6 do 2 - 61,74° ~ 123,48°, nén cung ngoai
(nét lien) ctia mdi canh c¢6 s6 do 360° — 123,48° & 236,52° ~ 4,128 rad.

Do dai mdi cung: R - 4,128 ~ 26,69 - 4,128 ~ 110,19 cm.

cos OIM = ~ 04735 = OIM ~ 61,74°.

Téng chiéu dai day: 5 - 110,19 ~ 550,96 cm =~ 5,51 m.
Vay can mua khoang 5,51 mét day kim tuyén.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 2 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Cho lim f(z) = % va lim g(z) = —3. Khi d6 lim [f(z) — 2¢(x)] bang

7 13 7
@ _5- 7- @ 4. @ 5.
O Vg din gici. Tim [f(2) ~ 29(2)] = % _9.(=3) = g

L 4 1
¢S Cau 2. Cho mot cap so cong (uy,) ¢b up = 3 ug = 26. Tim cong sai d.

10 3 3 11

@d—§~ d—ﬁ- @d—ﬁ- @d—§~
. N 177 11
@Hwaya/élifzd,z. u8=u1+7d:>7d:26—§:§:>d:§.

$® Cau 3. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 13 trung diém ctia
canh SC, N la trung diém ctia SD. Khi d6 hai dudng thang AB va M N la hai duong thing

(A) chéo nhau. trung nhau. (©) song song. (D) cat nhau.
[} Hucw(/c a.,/(zf/z(jz'(z’z',, M N la duong trung binh ctia tam giac SCD nén MN //CD. Ma CD//AB
nén M N //AB (hai dudng thiang phan biét).

> Cau 4. Khao sat thoi gian tap thé duc trong ngay ctia mot sé hoc sinh khéi 11 thu duge mau
so lieu ghép nhom

Thai gian (phuat) | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)

S6 hoc sinh 5 9 12 10 6
Nhom chita t@ phan vi tha 3 1a
@) [20;40). [60; 80). © [0;20). ®) [40;60).

[} Hav‘nf [/(Q)ifzkézf. Comaun=>5+9+12+ 10+ 6 = 42. Tan s6 tich liy: 5; 14; 26; 36; 42.
C

3
T phan vi thi ba ting véi I" = 31,5. Vi 26 < 31,5 < 36 nén nhém chita Q5 1a [40;60).

$> Cau 5. Cho hinh chép S.ABCD (tham khéo hinh v&). Goi O la giao diém ctia AC va BD, I
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la giao diém ctia AB va C'D. Giao tuyén ciia hai mat phang (SAB) va (SCD) 1a
S

@) OlI. SO. © SI. (D) SA.
O /luong a,/r;/l(f[d[. S 1a diém chung ciia (SAB) va (SCD).

Vil =ABNCDnén I € AB C (SAB)va I € CD C (SCD), tic I ciing la diém chung.
Vay (SAB) N (SCD) = SI.

. . . 2 .7 .
¢S Cau 6. Cho day sb (uy,) c6 s6 hang tong quét u, = —iT—ll' So B 14 86 hang thit bao nhiéu clia
n
day s67?
@) 5. 8. © 6. D 7.
2n 7
[} no din olal. = - = =7.
Huoga/mijzm o 4(:)871 m+7n="7
. nd4+n?—1
&S Cau 7. Két qud clia lim —— 13
au ét qua cla lim 5005 — 2 a
1
. — —00. —1.
®) oo 2025 © —o ©
[} Hmféz/c z/(?/z(jz'd,zf, Chia ca tit va mau cho n?:
ot 1—
o5
|
n

T — 400, mau — —1 nén giéi han bang —oo.

. 1
au 8. Ham s y = —————
¢ Cau 8. Ham so6 v )

@ (1;2). (=1;2). © (—0052). © (1;+00).

(&) Hav‘égﬁ c/(?/z(ﬂ[(ézf, 2 —3x +2 = (z — 1)(z — 2) nén ham s6 xac dinh va lién tuc trén (—oo; 1),

lien tuc trén khoang nao dudéi day?

(1;2) va (2;+00). Trong cac khoang da cho, chi ¢6 (1;2) khong chia 1 va 2.

¢ Cau 9. Théng ké diém trung binh cudi hoc ki 1 mon Toan ctia mot sé hoc sinh 16p 11B1 dugc
cho & bang sau

Khoang diém | [6,5;7) | [7;7,5) | [7,5;8) | [8;8,5) | [8,5;9) | [9;9,5)
Tan s6 8 10 16 24 13 7
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

S6 trung vi (Iam tron dén hang phan tram) ctia mau s6 lieu ghép nhém trén 1a

@) 7,75. 7,15. © 9,15. (D) 8,15.

e Hucong (/(5;%17(5,; ComAun=8+10+ 16+ 24+ 13+ 7+ 4 = 82, g — 41

Tan s6 tich lfiy: 8; 18; 34; 58;... nén nhém chita trung vi 1a [8;8.5).

41 — 34
M, =8+

7
-0, =84 — =~ §,15.
) +48 )

$> Cau 10. Cho hinh hop ABCD.A’B'C'D’ (tham khao hinh vé&). Mit phing (ABA’) song song
v6i mit phang nao?
A D’

@) (co'D). (BB'A"). ©) (AA'C). D) (ADD").
X oong (/('z‘yfifz'dzl (ABA’) chinh 1a mat phang (ABB'A’).
C
Trong hinh hop, hai mat d6i dién song song véi nhau, méit ddi dien véi (ABB'A’) 1a (CDD'C'),
tite (CC'D).
$> Cau 11. Phat biéu nao sau day la sai?

@A) lim wu, = c v6i u, = ¢ 1a hing sb.

n—-+00
. n ..
nl_l)gl_looq =0 v6i |g| > 1.
. 1
lim — =0.
n—-+oo n

1
lim —k:0V61k>1.
n—+oo N,

[ Haonj f/f?/zd()szézf. lim g™ = 0 khi |¢| < 1. V6i |g| > 1 thi |¢"| — 400, nén phat biéu B sai.

& Céu 12. Ham s6 y = 272

gian doan tai diem z, bang

@xozl. x0:—2. @xoz—l. ®x0:3.
[} /‘[MO/‘% f/a}z(fzfézﬁ, Ham s6 xac dinh v6i moi z # 3 nén lién tuc trén ting khoang xac dinh; tai
7o = 3 ham s6 khong xac dinh nén gian doan.

Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén cau 2 méi i a) b) ¢) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chép S.ABCD c6 day 1a ti gidc 16i ¢6 cac cap canh ddi khong song song véi
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nhau. Giao ctia AC va BD 1a O. Goi M, N lan lugt la trung diém ctia SA va SC. Xét tinh ding
sai clia cac ménh dé sau:

a) Giao tuyén cta (SAC) va (SBD) 1a SO.

b) Giao diém ctia BD va (SAC) chinh la diém O.

¢) Giao diém ctia M N va (SBD) chinh la trung diém ctia SO.

d) Giao tuyén ctia hai mat phang (SBC) va (MCD) 1a SC.

[} Hw)l(l (/(5/71.’(21.’.

a) Dang. Vi S la diém chung thit nhat ctia (SAC) va (SBD). O = AC N BD = O € (SAC)
va O € (SBD) = O la diém chung thit hai. Vay (SAC) N (SBD) = SO.
b) Pang. Vi O € BD va O € AC C (SAC). Vay BD N (SAC) = O.
¢) Dung. Trong tam gidc SAC, M N la dudng trung binh nén M N // AC.
Goi I = MN NSO, vi M, N la trung diém ctia SA, SC nén I la trung diém cta SO.
Ma SO C (SBD) nén I chinh la giao diém ctia M N va (SBD).
d) Sai. Diém C' thudc ca hai mat phing (SBC) va (MCD).
Tuy nhién diém S khong thudc mit phang (MCD) vi S khong ndm trén cac canh MC,CD
hay DM.
Do d6 SC khong thé la giao tuyén ciia hai mat phing nay.
x—2 khi z < —1

& Bai 2. Cho ham s6 f(z) = { . Khi do
Va2 +1 khiz > -1

2) f(=2) = V5.
b) Gidi han lim) f(z) =-3.

z—(—=1)~

¢) Gidi han lim f(z) = V2.

a—(—1)+

d) Khong ton tai limlf(x).
T——
e /luong z/(f/z(jz’dz, a) Sai. Vi —2 < —1nén f(—-2) = -2—2=—4.

b) Pang. lim f(z)= lim (z—2)=-3.

z—(—1)" z—(—1)"

¢) Dang. lim f(z)= lim V22+1=V2.

z—(—1)* z—(—1)*
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

d) Ding. Giéi han trai bing —3, giéi han phai bing /2, hai gia tri khac nhau nén khong ton
tai lim1 f(z).
T——

Phan III. Cau tra 16i ngan Thi sinh trd loi ti cav 1 dén cau 4

& Bai 1. Biét két qua chia lim (7x — V4927 — 20251 + 8) — % VGi a,b € Z, b#0va % 13 phan

T—r+400

s6 toi gian. Khi d6 a — 100b bang bao nhieu?
o Hm/n(f f/[g,zjz:f;g, Nhan va chia véi biéu thic lien hop:

L4027 (49572055 +8) 20251 — 8
im = lim .
z—too Tx 4+ /4922 — 20252 + 8 z—+o0 Ty + /4922 — 2025z + 8

Chia cé tit va mau cho z (véi z > 0):

2025 — 2 _ 2025
= lim .
votoo o | \/49 2025 4 8 14

J:2

Vi 2025 = 3* - 52 nguyén t6 cting nhau véi 14 nén a = 2025, b = 14.
Vay a — 100b = 2025 — 1400 = 625.

& Bai 2. Cho hinh chép S.ABCD, ¢6 ddy ABC D la hinh thang (AD//BC) va AD = 95, BC' = 65.
Mot mit phang («) chita BD va song song véi SA. Biét (o) cat SC tai I. Goi J la giao diém ctlia

2 2 2z l]K Z
AB va CD. Goi K la giao diem cta I D va mat phang (SAB). Tinh t1 s6 5g (lam tron dén hang
phan tram).

[} Ha‘o‘nj f/a“ﬂjidz'.

Goi O = ACNBD. Trong (SAC), ké OI//SA véi I € SC; khi d6 (o) = (BDI) song song véi SA.

0C _BC 6 _13 €O 13 1o en CL_CO_13

VIAD/[BCmen 57 = 5 = or = 15 CA~ 32 CS T CA” 32
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Ta c6 SJ = (SAB)N (SCD) va ID C (SCD)nén K =1DnNSJ.

JC BC 13
Vi BC'//AD nén — D= AD " 19
Xét trong mat phéng (SCD), dat J—ﬁzﬁ,ﬁz? Khi dé
13-  — 19— 13+ 13,
- i b
JC = od  JI=xlor 32‘]5 2?Tns
— o N 19 L =
ViKeIDnénJK:d~|—)\<J[—d>:(1—3—2>\)d+3—2)\§’.MaK€JSnénhésécﬁad
. 32 — 13
Y _ 22 s K:——’
bang 0, suy ra A 19V&J 193
JK 13
Vay — = — =~ 0,68.
AT R

& Bai 3. Trong dip Tét Nguyéen Dan, nhu cau sit dung Internet (dit lieu di dong) ctia ngudi dan tai
mot thanh phd 16n thusng xuyén thay doi trong ngay. Luong dit lieu st dung D (MegaBytes/phit)
dugc tinh tai thoi diém ¢ (gio) trong mot ngay (tinh tit 0 gid) bdi cong thiic

D(t) = 4sin <12(t— 10) + 6) +20 (0<t<24).

Luong dit lieu st dung dat mtc cao nhat vao thsi diém nao trong ngay?

e ucong (/(;,é/m;z. D(t) dat gia tri 16n nhat bing 24 khi va chi khi

T 7T
in (-1 —>_1
sm<12(t O)—|—6 < 12(
t—1 1
120:§+2k, tite ¢ = 14 + 24k (k € 7).

Vio<t<24nén k=0vat=14.

t—10) + g:g—l—kQﬂ.

Suy ra

Vay lugng dit lieu cao nhat vao lac 14 gio.

& Bai 4. Biét rang khi nung néng mot vat véi nhiét do tang tir 20°C, mdi phit ting 4°C trong 70
phiit, sau d6 gidm mdi phit 2°C trong 50 phit. Ham s6 bicéu thi nhiet do (°C) trong tii theo thdi
gian ¢ (phit) c¢6 dang
Te) = {20+4t khi 0 < ¢ < 70
a—2t khi70 <t <120
(a 1a hing s6). Biét rang, T'(¢) 1a ham lién tuc trén tap xac dinh. Tim a.

e uong a/(;;yzf(gz; Ham s6 lien tuc tren [0; 70] va (70; 120).

Dé T(t) lien tuc trén [0;120] thi T(¢) phai lien tuc tai t = 70, titc
lim T'(t) = lim T(t) = T(70).
im T(¢) = lim T(t)=T(70)

t—70—
Ta 6 T(70) = 20 + 4 - 70 = 300 va lim (a — 2t) = a — 140.
t—70t

Suy ra a — 140 = 300, hay a = 440.
Phan IV. Ty luan

’ 1 1 1 1\"
Bai 1. Tinh tong — = + - — =+ -~ —=
& Bai inh tong 2+4 8+ +( 2) +

N , L ) . . 1 )
[} Ha‘a‘y c/(‘z‘/iﬂ[(é[, Day la tong ctia cap so nhan lui vo han ¢6 so0 hang dau u; = —5 cong boi
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1
qg= ) (thoa |q| < 1).

& Bai 2. Tinh gidi han clia cdc ham s6 sau:

a) lim (—4x5 —32° +x + 1);

T—r—00

b) lim Y4272

x—2 ,j(;—
3 1 1
‘&H‘“’W‘/Wé/““ ) Ta c6 A4 =33+ +1=2°-4— =+ —+— ).

3
Khi # — —oo thi 2° — —oo va —4 — — + —
2
Vay gi6i han bang +oo.
b) Nhan lien hop:
Vi+2-2 (x+2)—4 B 1
T —2 (z—-2)(Ve+2+2) Vo+2+2
Dodslim Y2122 1 1
& Bai 3. Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh tam O. Goi M la trung diém
cua SC.
a) Xac dinh giao tuyén ctia hai mat phang (SAD) va (SBC).

2 2 AI
b) Xac dinh giao diem I cta AM va mat phang (SBD). Tinh i

(e Ha(w(j (/[uz(/zm ) S la diém chung ctia (SAD) va (SBC).

Ta c6 AD C (SAD), BC C (SBC) va AD//BC.

Do d6 giao tuyén ctia hai mat phang la duong thang d di qua S va song song véi AD (va BC).

b) Trong (SAC), goi I = AMNSO. ViSO C (SBD)nén [ € (SBD),dod6 I =AMN(SBD,).

Trong tam giac SAC, O la trung diém ctia AC (tinh chat hinh binh hanh) nén SO la trung
tuyén; M la trung diém ctia SC nén AM la trung tuyén.

Hai trung tuyén AM va SO cét nhau tai I nén I 1a trong tam tam giac SAC.
Al 2
Vay — = —.
WoAM T3
& Bai 4. Trong mot budi sinh hoat trai nghiém ctia hoc sinh truong THPT Ngoc Tao, hoc sinh
duge tham gia trd choi mang ten: DI TIM TU KHOA va tro choi sé két thic khi ¢6 hoc sinh néi
ding tit khoa. Hoc sinh sé tra 15i tir khoa sau méi goi ¥ ctia Ban t6 chiic. Quy téc ciia tro choi:
& Hoc sinh nao tra 16i ding dap 4n sau goi ¥ thit nhat sé duge nhan nita s6 keo Ban t6 chic
dang c6.
& Néu hoc sinh tra 16i dung dap an sau goi ¥ thit hai thi s6 keo nhan dugc sé bi gidm mot nia.

Tiép tuc quy luat dé: méi lan them mot goi ¥, s6 keo nhan duge sé bi gidm mot nita. Sau mdi lugt
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gdi ¥, néu khong c6 hoc sinh nao néi ding tir khoa thi sé chuyén s6 keo & lugt dé cho cau lac bo
Olympia. Biét ring trong budi sinh hoat nay, hoc sinh tra 15i ding dap an sau 6 ggi ¥ va Ban t6
chiic chi con lai 1 céi keo sau khi két thtc tro choi. Tinh s6 keo ma cau lac bo Olympia nhan duge
tit Ban t6 chiic.

o Hwo‘éz/c f/afn(jm’z. Goi N 1a s6 keo ban dau ctia Ban to chitc (N € N*).

. . N
& S0 keo thudng neu tra 16i ding sau goi 7 thi 1 la: uy = 5

A 2, S 2 N, . L . N ul N
& S0 keo thudng neu tra 16i ding sau goi 7 thi 2 1a: us = 2 =5
& L.

P P Z P o P L . N N
& S0 keo thudng néu tra 1oi dung sau goi y thi k la: u, = o

Theo dé bai, hoc sinh tra 10i ding sau goi ¥ thit 6, nghia 13 tit goi ¥ thit 1 dén thi 5 khong c6 ai
tra 101 dang. Khi d6, s6 keo & céc lugt nay dude chuyén cho cau lac bo Olympia.
Tong s6 keo da phat ra (cho Olympia va cho hoc sinh) sau 6 goi ¥ 1

6
56=U1+U2+"'+U6=;§=N' <1—%) :62%
S6 keo con lai ctia Ban t6 chitc sau khi két thic tro choi la:
63N N

N—Sg=N — w1 6l
Theo gia thiét, Ban t6 chiic con lai 1 cai keo, nén:
6_]\41 =1= N =64 (cai keo).
S6 keo cau lac bo Olympia nhan dugc 1a tdng s6 keo & 5 lugt dau (do lugt thit 6 hoc sinh da tra
161 ding):
S6 keo Olympia = u; +ug+us+us+us = %—l—%—i—%—i—?—g—kg—g = 32416484442 = 62 (cai keo).
Vay cau lac bo Olympia nhan duge 62 cai keo.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 3 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

. 1 .
¢S Cau 1. Cho hai day s6 (uy) va (v,) v6i u, =2n+1, v, = . . Khi d6 lim (u,v,) bang

—n n—+oo
@A) +o0. —2. © o. D) 2.
1
24 =
2 1 2
() Ha’o‘% c/é/z(jzfé(f, Up Uy = 1n_+n = l _Z — =) = 2.
n
$® Cau 2. Nghiém cta phuong trinh tanx = 1 la
5
@xzi%—kaw(lﬁeZ). x:g+k27r(keZ).
@x=%+k27r(k;€Z). @ngww(kez).
N lwong din gidi. = 1=tan—~ =z .
Haoaj [/f/l(jl(l tanx = 1 = tan g er=7 krn (ke Z)

¢ Cau 3. Diéu tra vé sb tien mua do dung hoc tap trong mot thang ctia 40 hoc sinh, ta c6 mau
s6 lieu nhu sau (don vi: nghin dong):

Gia tri (z) | [10:15) | [15;20) | [20;25) | [25:30) | [30;35) | [35:40) | Cong
Tan s6 (n) 2 5 15 8 9 1 N =40

Tt phan vi thi hai cia mau s6 liéu 1a
73 70
@™ 3 22. © 3 D) 21.

. N
[} Haoéy) a/(ﬁ)yszézﬁ. Tan so0 tich lay: 2; 7; 22; 30; 39; 40. Ta ¢6 5 = 20 va 7 < 20 < 22 nén nhom

chia Q7 1a [20;25).
20—7 13 73
20+ = L 5=20+2 =22
@ LT 373
¢S Cau 4. Diéu tra vé so6 tien mua do dung hoc tap trong mot thang ctia 40 hoc sinh, ta c6 mau
s6 lieu nhu sau (don vi: nghin dong):
Gid tri (z) | [10;15) | [15:20) | [20:25) | [25:30) | [30:35) | [35:40) | Cong

Tan s6 (n) 2 5 15 8 9 1 N =40

S6 trung binh ctia mau s6 lieu 13

@A) 25,5. 25. © 22,5. D) 27.

[} Ha‘u‘g z/r?n(f[d,[, Gia tri dai dién cta cac nhom: 12,5; 17,5; 22.5; 27,5; 32,5; 37,5.

2-125+5-175+15-225+8-275+9-32,5+1-37,5 1000

25.
40 40 °

T =
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34+ 2z

¢ Cau 5. Tim gi6i han  lim .
z—=(=3)t T+ 3
7 1
) 3+ 2z
lim =
z—(=3)t T+ 3

@ .

o Huoﬂn(j f/(;,z,dm:fzz. Khi z — (=3)* thi34+ 2z - -3 <0vax+3 — 0". Vay

—00.
$® Cau 6. Giai phuong trinh 2 cosxz = —1 duge tap nghiém la
k
}. {E+—W,kez}.
3 2
k
@{—g—l—%,keZ}. @{%Jrlm,keZ}.
1 2 2
—:cos—ﬂ<:>x:j:§+k27r (keZ).

(e} Hmfy c/d/éﬁzfdzf. 2cosxr =—1 & cost = —

. 1 .
<> Cau 7. T@ng5:1+§+l—l+§+--- bang
2
@1 2 ©> ®
, s 1
N 2long din giéi. Day la téng cap s6 nhan i vo han ¢6 u; = 1, ¢ = ~.
J T 2
1
S = U = 1 = 2
1—¢ 1-1

@) i%r—l—k%r, kel

N W

$> Cau 8. Dieu tra veé so tien mua do dung hoc tap trong mot thang ctia 40 hoc sinh, ta c6 mau

s6 lieu nhu sau (don vi: nghin dong):
Gid tri (z) | [10;15) | [15:20) | [20:25) | [25:30) | [30:35) | [35;40) | Cong
Tansé (n) | 2 5 15 8 9 1 | N =40
Tt phan vi thi nhat ciia mau s6 lieu 1a
© ? ®) 21.

73
@) 22. Ex
(&) Hao;(y a/rf)éjz'a’zf, Tan s6 tich lay: 2; 7; 22; 30; 39; 40.
Ta c6 — =10 va 7 < 10 < 22 nén nhém chita @ 1a [20;25)

10-—7
Q=20+ ——-5=20+1=21

15
¢ Cau 9. Cho cap sb cong (u,) c¢6 s6 hang dau u; = —5 va cong sai d = 3. S6 100 1a s6 hang thi

may clia cap sd cong?
35. © 36. (D) 20.
543(n—1)=100 & n —1 =35 < n = 36.

@) 15.
(2} /‘[mf/(y 5/(51271,'(21,'. Up =u; + (n—1)d =

$> Cau 10. Cap s6 nhan (u,) c6 s6 hang tong quat 1a u, = — - 2”71 n € N*. S6 hang dau tien va

cong boi clia cap s6 nhan do 1a
6
Uy = g, q = 2.

3
@Ulzg,q:_Q-
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3
@ul ;q— —2. @uIZS,q:Z
3 3 . Upt1
va

() /‘[ut)'gﬁ (/(z,/zéfi(z"zﬂ, Uy = g~ 20 = R .

> Cau 11. Trong khong gian cho hai duong thang song song a va b. Cé bao nhiéu mat phang

=2 nén q = 2.

chtta a va song song véi b?

(A) Hai mat phang. Mot mat phang.
(©) Vb s6 mat phang. (D) Khong c¢6 mit phang nao.
[} Hwo‘zy z/é}ngézf,. Moi mit phang chita @ ma khong chita b déu song song v6i b (vi b//a nén b
khong c6 diém chung v6i mat phang do). C6 vo s6 mat phang chita a, chi trit mat phang (a, b).
Vay ¢6 vo s6 mat phing théa man.

$> Cau 12. Cho day s6 (u,) 1& mot cap sé nhan c6 s6 hang dau u; va cong boi ¢. Dang thitc nao
sau day duang?

@un—q u)" Y (n > 2). ®) up =uy + (n—1)q, (n>2).
@un——, (n > 2). DO u, = u1g™ Y, (n > 2).

[ Ha(w(f z/mz(/zja’,zf, S6 hang tong quat clia cap s6 nhan 1 u, = u;¢"!
Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén cau 2 méi i a) b) ¢) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chop S.ABCD c6 day ABCD la hinh thang v6i AB la day 16n va AB = 2C'D.
Goi I 1 trung diém ctia canh AB.
S

D C

a) IS song song véi giao tuyén clia hai mat phang (SBC) va (SAD).
b) AD//(SBC).
c) AB//(SCD).
d) Duong thang IC va mat phang (SAD) c6 mot diém chung.
(2} Huoi} c/a/ijmz ) Sai. Goi E = ADN BC (vi AD, BC la hai canh bén ctia hinh thang nén

cat nhau). Khi d6 (SBC)N(SAD) = SE. Dudng thang 1.5 cat SE tai S nén khong song song véi
SE.

b) Sai. AD cat BC tai E ma BC C (SBC) nén AD cat (SBC) tai E.

¢) Ptng. AB//CD, CD C (SCD) va AB ¢ (SCD) nén AB//(SCD).

AB
d) Sai. Vi Al = 5 = = CD va AI//CD nén AICD la hinh binh hanh, suy ra IC'// AD. Ma
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AD C (SAD) va IC ¢ (SAD) nén IC//(SAD), tic khong c6 diém chung.

V22 4+ 18

& Bai 2. Cho hai ham s6 f(z) = va g(z) =z — 3.

r—3
a) lim f(z)=V2.
r—+00
b) lim 0 = +00
o3 g(z)
)hm[() g(z) + x] = mV2+n véi m,n € Z. Khi d6 m =n + 1.

d) lim {f(x)%—&] = aV2+bvéia,beZ Khidoa+b=0.
T

T——00

18
V212 + 18 24 =5
[} Hw)ilj a/(myzm a) Pang. lim ‘ + lim —; =2

r—r-+00 xr — wﬁ+oo 1 — =
x

b) Sai. Khi x — 3~ thi g(z) =2 —3 — 0~ nén lim 0

z—3- T —

c¢) Dlng. f(z) - g(z) = v/222 + 18 nén gisi han bang /2 - 16 + 18 + 4 = /50 + 4 = 5/2 + 4.

Suyram=5,n=4vam=n+ 1.

d) Pang. Khi z = —oo thi # < 0, v222 + 18 = [z[,/2+ 18 = —2,/2 + 1 nen
—\2+ 5 3
lm f@) = lim -V~ 3 tm I g (1——) — 1

X

= —0OQ.

T——00 T——00 1—2 T——00 I T——00
Vay gi6i han bing —v2+1,suyraa=—1,b=1vaa+b=0.
Phan III. Cau tra 16i ngan Thi sinh trd loi ti cav 1 dén cau 4

& Bai 1. Cho biét lim (\/.7:2 + 2ax + b.zz:) = 2 (a,b 1a cac s6 thuyc). Tinh gia tri biéu thiic
fﬂ—) o0
P =a+ 2b.

N / 2
@Hwo/‘/z(/fr/fz‘/z;, Ll \/:CZ—I—an—i—bx::U( 1+—a+b>. Khi z — 400 thi ,/1—1—2;“—1-1)—) 1+6.

Néu 1+ b # 0 thi gi6i han 1a foo, trai véi gia thiét. Vay b = —1.

Khi dé
2ax 2a
lim (\/ 2 + 2ax — a:) = lim = lim — =aq.
T—+00 T—>+00 4 /l‘2 + 201 + T—+00 /1 + 2a + 1
Suy ra a = 2.

Vay P=a+2b=2—-2=0.
& Bai 2. Cho tit dien ABCD véi M, N lan luot 1a trung diém cia AC va BC. Diém E thudc

DE 1 DP EP
canh AD sao cho DA= 1 Mit phang (M N E) cat canh BD tai diem P. Khi d6 tong 5P + UN
bang bao nhieu? (két qua lam tron dén hang phan tram).

AB
[} Hawj a/(z/z giai. M N la duong trung binh ctia tam gidc ABC nén MN//AB va MN = -

Ta c6 MN C (MNE), AB C (ABD), MN //AB va E la diém chung ctia (MNE) va (ABD).
Do d6 giao tuyén clia hai mat phéng nay la duong thing qua F song song v6i AB, va n6 cit BD
tai P. Vay FP// AB.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

Trong tam giac DAB, vi EP// AB nén
pP DE EP 1

DB DA AB 4’

o PP 1 pp AB  EP AB/4 1
uy ra —— = — V. = —,nen —— = ———-— = —.
Y BP T3 4" MN T AB2 T 2
DP EP 1 1 5
Vay o 4 = = 4~ = — & 0,83,

BP MN 3 2 6

& Bai 3. Ong An dy dinh diing xen ké 2 mau vang, xanh dé son trang trf mot biic tudng hinh chit
nhat theo cach nhu sau: Dau tién diing mau vang son biic tuong theo tam bia hinh chit nhat H;
¢6 chidu dai, chiéu rong tinh theo don vi m lan luot 1a v/5+ 1 va 2, sau d6 cit hinh H; thanh hinh
vuong c¢6 canh bang chiéu rong ciia H; va hinh chit nhat H,, roi ding mau xanh son tuong theo
hinh H,, ... ctt tiép tuc qué trinh nhu vay cho dén khi hinh chit nhat tao ra c6 dién tich khong
dang ké. Biét ring tién cong dé son mdi mét vuong tuong nhu vay la 21 nghin dong. Héi 6ng An
can chuan bi t6i da bao nhiéu tién cong cho thg son? (két qua tinh theo don vi nghin dong va lam
tron dén hang nghin).

Vi +1
A 7 B
9
e H
D F C

() Ha’()y c/rz’/ijz'(é,z'. Goi Hy, ¢6 chiéu dai I, chiéu rong wy. Ta c6 Hy: I = V541, wy = 2.

Cat hinh vuong canh w; = 2 khéi H; thi phan con lai Hy c6 chiéu dai 2 va chiéu rong
VE+1—2=1+/5—1. Tisb cac kich thude ctia Hy va H; 12
2 Vh-1
sr1 2 "

. Ctt tiép tuc nhu vay, Hy,, dong dang v6i

Hai hinh chit nhat nay dong dang véi ti s6 r =
Hj, theo ti s6 7, nén canh cic hinh vuong 1ap thanh cap s6 nhan véi cong boi r (canh hinh vuong
dau 1a 2).
Do d6 dién tich cac hinh vuong lap thanh cip s6 nhan lui vo han véi
3-5

w=2=4,  g=r’=—— (g <)

Tong dién tich can son la
(51 4 8 2
S = = = =2(v5+1) = 6,472 m".
1 —q \/5271 \/g . 1 (\/_ + ) ) m

Tién cong toi da: 21 - 2(v/5 + 1) ~ 135,9 nghin dong.

Vay ong An can chuan bi khoang 136 nghin dong.

& Bai 4. O cac noi khong gian ¢6 dién mang cam giac hoai niem thuong dude treo mot chiée dong
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ho d6 chuong. Dong ho do chuong la loai dong ho khong chi diing dé chi gio ma con phat ra tiéng
chuong vao nhitng thai diém nhat dinh. Hé théng chudng trong dong hd duge didu khién béi mot
co ché rieng biéet, va khi dén gis dong ho sé phat ra tiéng chudng tuong ng véi so gis, tao ra am
thanh 16 rang gitup ngudi dung biét dude thai gian ma khong can nhin vao mat dong ho. Héi rang
trong mot ngay, dong ho danh tat ca bao nhiéu tiéng, biét rang dong ho chi danh chuong bao gio
va s6 tiéng chuong bang sb gio (tuong ting véi s6 chi § tréen mat dong ho)?

[} Ha’a/’é? f/(i/yzfdzl. Mot ngay c6 24 gio, dong ho c6 12 s6 tuong ting véi 12 gio. Trong mot ngay,
dong ho sé thyc hien 2 chu ky tur 1 dén 12 gio.

Tong s6 tiéng chuong trong mot chu ky 12 gio 1a:

12(12 4 1)

14243+ +12= = 78 (tiéng).

Trong mot ngay (24 gid), dong ho danh tat ci s6 tiéng chuong la: 78 - 2 = 156 (tiéng).
Phan IV. Ty luan
0 khi x =2

& Bai 1. X¢ét tinh lien tuc ctia ham s6 f(z) =< 2 _ tai diem zg = 2.
khi x # 2

[} Haoiy a,/(z‘\/é/mf(z"[. Ta c¢6 f(2) = 0.
x?—4
T —2

Véi x # 2: =x + 2, nén
lim f(z) = lim(z + 2) = 4.
T—2 T—2
Vi lin; f(x) =4+ f(2) = 0 nén ham s6 f(z) gidn doan tai o = 2.
z—
& Bai 2. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M la trung diém
cia SA.

a) Ching minh: MO//SC.
b) Tim giao diém K ctia SD vh mat phang (M BC).
S

o Hecong a/(?/ijz'd,zf, a) Vi ABCD la hinh binh hanh tam O nén O la trung diém ciia AC.

Trong tam giac SAC, M la trung diém ctia SA va O la trung diém ctia AC nén MO la duong
trung binh, suy ra MO //SC.

b) Ta c6 M la diém chung ctia (M BC) va (SAD).
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

Vi BC C (MBC), AD C (SAD) va BC// AD nén giao tuyén ciia hai mat phang la duong

thang d di qua M va song song v6i AD (va BO).

Trong mit phang (SAD), dudng thing d cat SD tai K. Khidé K € SD va K € d C (MBO)

nén K = SDN(MBC).

Trong tam giac SAD, MK //AD va M la trung diém ctia SA nén K 1a trung diém ctia SD.

& Bai 3. Mot nha thau nhan duge hgp dong son mau trang tri mot biic tuong hinh vuong mau
trang kich thudc 4m x 4m clia mot trudong mau gido. Hai diéu kién ctia hgp dong nhu sau:

& Céac hinh vudng can son mau nhu hinh vé. Hinh vuong 16n nhat c6 dién tich bang mot phan
tu dién tich bitc tuong dudce son ¥ khac mau trang. Moéi hinh vuong tiép theo c6 dién tich
bang mot phan tu dién tich hinh vuong trude né, duge son mau khac véi hinh vuong trude
d6 va mau trang;

& Mot phan ba bitc tuong phai dude son mau.

Sau khi xem céc diéu kién ciia hgp dong thi nha thau tit chdi vi cho ring khong thé thyc hién theo
yéu cau ctia nha truong. Hay giai thich 1i do vi sao ho tit chéi hop dong.

N
N

(Y Ha’o‘% z/[f/z(j[d,z',, Dién tich biic tuong 1a 4 -4 = 16 m?.
16

Hinh vuong 16n nhat c6 dién tich u; = i 4 m? (canh 2 m). M&i hinh vuong sau c6 dién tich
.1 . 1
bang 1 hinh vuong trude, nén dién tich cac hinh vuong lap thanh cap so6 nhan véi vy =4, ¢ = 7
1 1
4; 1; = —; ...

4" 16

Tong dién tich ctia n hinh vuéng dau tien 1a

1-(H" 16 1 16
5”24'#:§<1_4_n)<§m2 v6l moi n.

N . s . 1 16
Diéu kién thit hai yéu cau dién tich son mau bang 3 btic tuong, tic 3 m?.

Téng dién tich cia moi hinh vuéng (ké ca vo han hinh vuong) chi tién téi

16
lim Sn:L:—mQ,
n—00 1—gq 3

. 16 . . .
nhung khong bao gic dat duge gid tri nay v6i so hinh vuong hitu han, vi S, < 3 v6l moi n. Viée
son vo han hinh vuong véi canh nhé dan vé 0 ciing khong thé thuc hien dude trong thuc té.

Vay khong thé son ding mot phan ba biic tuong theo cach ctia hgp dong, nén nha thau tit
choi.
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 4 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Day s6 nao sau day c6 gidi han bang 07

@) u, = (—g)n. U, = 3" — 2",

oun( ou-(y)

2 ) 2\ "
< 1 nén lim (—§> = 0.

e /lucong (/avzdmf(zzi. Déy " ¢6 gi6i han 0 khi |g| < 1. Chi c6

1
¢ Cau 2. Gié tri cia lim s

r—+o00 1 — 21

@g g_; © 1. ® —1.

la

N 1 1+ 1 1
[} /z{a‘o/‘igﬁ (/0”(71[“ lim T ; SIS

= 1m = .
z—+o0 1 — 2T  z—+oo = =2 2

¢S Cau 3. Trong cac day sb sau, day s6 nao la diy sb bi chan?

1
= —. n = 2025 — n.
@ wn = s " "
© u, = (=1)" - 2025". @ Uy, = n — 2025.
N 1
[} Hw)élf a/mi/mm Véimoin € N*taco 0 < 2025 < 1 nén day u,, = 200 bi chan. Cac

day con lai khong bi chan (khong bi chdn trén hodc khong bi chan duéi).
¢ Cau 4. Cho cap sb6 nhan (u,,), biét us = 4 va ug = 16. Cong boi ctia cip s6 nhan dé bang

@ 2. 4. © 4. ® 12.

, 16
N luono di olél, :@:—:4
Hll’o’?ﬁ f/(ZIlJLQL q u2 4

&S Cau 5. S6 canh ctia mot hinh ti dien 1a

@ 5. ®) 4. © 6. ©®) 8.

[} Hzm‘g c/@*}ﬁzf{ézf. Tt dién c6 4 dinh, méi cip dinh tao thanh mot canh nén c6 C2 = 6 canh.

1
$® Cau 6. Nghiém ctia phuong trinh cosz = 3 la

2 5
@x=i§+k2n,kez. x:igw&n,kez
@a:::tg—i-ka,kEZ. @x::t%Jrk%,keZ.

1
[ Hmfy c/fi;yzfdz'. cosT = 5 :cosg & x = ig—i-k‘%r (keZ).

¢ Cau 7. Cho tit dien ABCD. Goi G 1a trong tam tam giac ABC. Trén doan thang BD lay diém
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

M sao cho M B = 2M D. Duong thang MG song song véi mat phang nao sau day?
() (ABD). (ABQC). © (ACD,). (D) (BCD).

2 2 BG 2
(e} g dan giad. i V13 iem ¢t ] a 3 a — = -.
Haozz(/r f/(/l(jl(il Goi N la trung diem cua AC thi B, G, N thang hang va BN =3

X  BM 2 _BG BM
VlMB—QMDnenﬁ—g.Dodom—ﬁ,suyraMG//DN.

Ma DN C (ACD) va MG ¢ (ACD) nén MG //(ACD,).
$® Cau 8. Cho hinh chép S.ABCD c6 day ABCD la hinh thang, day 16n 1a AD. Goi M la trung
diém ctia SA va A la giao tuyén ctia hai mat phiang (M BC) va (SAD). Khing dinh nao sau day
la dang?

@A) A//SD. A//AB. © A//AD. D) A//CD.
o Hecong dién gici. M 1a diém chung ctia (M BC) va (SAD). Ta ¢6 BC C (MBC), AD C (SAD)
va BC'//AD.

Do dé giao tuyén A di qua M va song song véi BC va AD. Vay A//AD.
&> Cau 9. Cho goc luong gide a. Khing dinh nao sau day diang?

() cos(m — ) = sin a. cos(m — a) = cos .

(© cos(m — a) = —sina. (D) cos(m — a) = —cos a.
[} Hm}’fﬁ a,/('z‘”/ifz'a?zi. Hai g6c bu nhau ¢6 cosin d6i nhau: cos(m — a) = — cos a.
A ~ z L Jur =2 )
¢S Cau 10. Cho day s6 (uy,), biét . Tinh wusg.
Upt1 = Up + 3

@ Ugo — 61. U0 = 58. @ Ugo — 52. @ Ugo — 55.

[ Hmfg (/&27{'.{2[' (uy) 1a cap 86 cong c6 u; = —2, d = 3 nén ugy = uy + 19d = —2 + 57 = 55.

¢S Cau 11. Cho géc a thdéa man sina = —% varT<a< 377? Gia tri clia cos @ bang
16 4 4 16
5" 5 © ~5 ~5
N 2lwong din giéi. cosPa=1—sina=1-— g = E
J T 25 25
N 3r 4
ViT<ac< — hen cosa < 0, suy ra cosa = —z

O Cau 12. Cho ham s6 y = f(z) xac dinh trén £, 2y € K. Khi d6, ham s6 y = f(z) lien tuc tai

@ IETOOJC@) = f (o). xli_glo f(@o) = f(2).
© lim f(x) = f(xo). ® tim_f(x) = f(wo).
(e} Hm)‘y f/(f/z( 71,'(217. Theo dinh nghia, ham s6 y = f(z) lién tuc tai x¢ khi li_>m f(z) = f(xo).

Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén cau 2 méi i a) b) ¢) d) thi
sinh chon ding hodc sai

& Bai 1. Cac phat biéu sau ding hay sai?
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a) Cho hai day s6 (u,) va (v,) thda man limu, = 1 va limwv, = 4. Khi d6 lim(3u,, + v,) = 13.

b) lim

=3t — 3

= +00.

c) Ham s6 y = lien tuc trén khodng (1;+00).

x? + 2025z — 2026 ,
khiz >1 L oan . .
d) Cho f(x) = x—1 . Ham s6 da cho lién tuc trén R khi a = 2025.
ar + 2 khiz <1

(2 Hwo‘ézﬁ f/(zflz(/mfd,zf, a) Sai. lim(3u, +v,) =3-1+4=T.

b) Pung. Khi 2 — 3" thi 2 —3 — 0" nén lim
z—3+t x — 3

= +00.
¢) Sai. Ham s6 khong xac dinh tai x = 2 € (1; +00) nén khong lien tuc trén (1; +o00) (ham s6
chi lién tuc trén (—oo;2) va (2;+00)).

2 4+ 20252 — 2026 —1 2026
d) Ding. Vi z > 1: = “’1 _ (@ )(Hl )
T — T —

r < 1 ham az + 2 lién tuc. Tai x = 1: f(1) = a + 2, lim+ f(x) =2027, lim f(x)=a+ 2. Him s6
z—1 r—1-
lien tuc tai z = 1 khi a + 2 = 2027 < a = 2025. Vay ham s6 lién tuc trén R khi a = 2025.

& Bai 2. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh tam O. Goi M, P lan lugt
la trung diém cac canh AB va CD, @ la trung diém canh SA. Khi dé xét tinh ding, sai ctia cac

= x + 2026 nén lién tuc; véi

ménh dé sau:
a) MP//(SAD).
b) SC cit mit phang (M PQ).
c¢) Diém O thudc mit phing (SBD).
d) SB la giao tuyén cia hai mit phang (SAC) va (SBD).

[ /Z{a‘()/‘/gj a/rfléj[d[,

a) Ding. Vi M, P la trung diém ctia AB,CD nén MP//AD//BC (tinh chat hinh binh hanh).
Ma AD C (SAD) nen MP//(SAD).

b) Sai. Do MP di qua tam O cia day va Q la trung diem SA. Trong tam giac SAC, OQ la
dudng trung binh nén 0OQ//SC. Vi SC//OQ ma OQ C (M PQ) nén SC//(MPQ).

c¢) Dung. O la giao diém ctia AC va BD, ma BD C (SBD) nén diéem O thuoc mat phing
(SBD).
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

d) Sai. Giao tuyén ctia hai mit phiang (SAC) va (SBD) la duong thang di qua diém chung S
va diém chung O, d6 chinh 14 dudsng thang SO.

Phan III. Cau tra 16i ngan Thi sinh trd loi ti caw 1 dén cau 4

& Bai 1. Hinh vé duéi day la hai banh rang ctia mot dong co, ching c6 cung kich thude. Khi dong
co hoat dong, hai banh ring quay déu cling chiéu. Biét tdoc do quay ctia banh rang ¢ hinh 2 gap
doi téc do quay ctia banh ring & hinh 1 va phuong trinh biéu thi do cao ctia diém A & banh rang
thtt nhat 14 h = 2R + Rsin (%t) (trong d6 R 1a ban kinh banh rang, ¢ 1a thoi gian tinh bang giay,
h 1a do cao clia diém A). Gia st tai thoi diém bat dau khéi dong, hai diém A va B c¢6 do cao bang
nhau. Sau bao nhiéu giay ké tit thoi diém dau tien sau khi dong co hoat dong hai diém A, B c6 do
cao bang nhau?

H.1 H.2

(e} Hwo‘% diin gici. Do cao clia didm A 1a ha(t) = 2R + Rsin (%t)

Vi banh ring 2 quay ciing chiéu va c6 tdc do gap doi banh rang 1, nén tan s6 goc cta diém B 1a
2T
Wwp = 2(JJA = E

Tai thoi diém ¢ = 0, ha(0) = hg(0) = 2R. Do d6 phuong trinh do cao diém B 1a hp(t) =
2R + Rsin <2§t)
Hai diem A, B ¢6 do cao bang nhau khi: hy(t) = hp(t)

2 2
< 2R+ Rsin (%t) = 2R + Rsin (gt) & sin <%t> = sin (gt)

T kon t =10k

o |2 g & 5 10k.(k€Z).

2T s
_ t=2-
’ N )
Thai diem dau tién sau khi khéi dong (¢ > 0) tng v6i £ = 0 6 nhanh thit hai: ¢t = 3~ 1,67 giay.

& Bai 2. Nguai ta lam den tre nhu hinh bén, cac hinh tron chong lén nhau. Trong d6 tinh tit dudi
. N 9
lén hinh tron 16n nhat C; c¢6 ban kinh R = 200 c¢m, hinh tron C5 ¢6 ban kinh bang 10 ban kinh

. 9 >
cta duong tron C4, hinh tron C3 c¢6 ban kinh bang 10 ban kinh ctia duong tron Cs. Ctt tiep tuc

nhu vay, nhan duge day hinh tron Cy, Cs, Cs, ..., C,, . ... Tinh tdng chiéu dai cac thanh tre da lam
chiéc den tre (don vi mét, lam tron dén hang don vi).
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[} szo‘ﬁ (/(z}z, gice. Goi ry, 1a ban kinh cta hinh tron C),. Ta ¢6 r; = 200 cm va 7,1 = —7,, nén

10

(rn) 1a cap s6 nhan véi cong boi ¢ = 10

Chu vi cta C, la 27r,, nén cic chu vi lap thanh cap s6 nhan i vo han c6 s6 hang dau

9
uy = 27 - 200 = 4007 va cong boi ¢ = 10 (lg| < 1).

Téng chicu dai cac thanh tre 1a

Uy 4007

S = = 5 = 40007 cm = 407 m ~ 125,66 m.

Vay tong chieu dai khoang 126 m.

& Bai 3. Biét két qua cia  lim <73: — /4922 — 20252 + 8) — 2 i a,b e Z,b+#0va % la phan

r—r—+00 b

s6 toi gian. Khi d6 a — 1000 bang bao nhiéu?
[} Huozy a,/(z“/z(,,/czfdzi. Nhan va chia véi biéu thitc lien hop:

- 4922 — (4922 — 2025z +8) - 2025z — 8
z—+oo Ty + /4922 — 20250 + 8  w—+o0 Tx + /4922 — 20257 + 8
Chia ca tit va mau cho z (v6i z > 0):

2025 — 2 2025
= lim =T
T 4 \/ 49 — 2025 4 8
Vi 2025 = 3* - 52 nguyén t6 ciing nhau véi 14 nén a = 2025, b = 14.

Vay a — 1006 = 2025 — 1400 = 625.
& Bai 4. Trong dip Tét Nguyen Dan, nhu cau sit dung Internet (dit lieu di dong) ctia nguoi dan tai
mot thanh phd 16n thudng xuyén thay doi trong ngay. Lugng dit lieu sit dung D (MegaBytes/phiit)
dugc tinh tai thoi diém t (gio) trong mot ngay (tinh tit 0 gid) bdi cong thiic

D(t) = 4sin (12@— 10) + 6) 120 (0<t<24).

Luong dit lieu st dung dat mtc cao nhat vao thsi diém nao trong ngay?

(&) /Z{aoéy a/méjzm (t) dat gia tri 16n nhat bang 24 khi va chi khi

T T
i 1 >_1 t—10)+ 2 =" 4 ko,
Slm<12( 0+35 @12( 0)+5=g+kem
t—10 1
Suy ra 1 =§+2k,t1’1’ct:14+24k(k62).

i0<t<24nénk=0vat=14.
Vay lugng dit lidu cao nhat vao lic 14 gio.
Phan IV. Ty luan
& Bai 1. Tinh cac giéi han sau:
a) lim (vVOn? +2n — 3n + 1).

2
- 2
b) lim —2 ¥+ 2
=222 + o — 10
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1
X lwong (/Ql](jl(zl ) Nhan lien hop:

2n 2
VIn2 +2n —3n = = —
VIn? +2n + 3n 94243

1 4
Vaylim(\/9n2+2n—3n+1):§+1—§

b) Taco —2?+2+2=—(v—2)(x+1) va22? + 2 — 10 = (z — 2)(22 + 5) nén
442 —(z+1) -3 1

[S21 )
Wl =

lim im = .
T2 23:2—|—x—10 =2 2r+5 9 3

& Bai 2. Cho hinh chop S.ABCD c6 day ABCD la hinh thang ¢6 AB//CD va AB = 2CD. Goi
O la giao diém ctia AC va BD; G la trong tam tam giac SAB.

a) Chimg minh rang: OG//(SAD).
b) Tim giao diém I ctia duong thang BG va (SCD).

e wong (/(m(jzm ) Goi N la trung diém ctia SA. Vi G la trong tam tam gidac SAB nén

BG 2
BN va — = —.
G e VaBN 3
OB AB BO 2
Vi AB//CD nén oD =D 2suyraﬁ 3
BG BO 2
Trong tam giac BN D c¢6 BN = Bp = 3 hen OG//DN.

Ma DN C (SAD) va OG ¢ (SAD) nén OG//(SAD).

b) Ta c¢6 S 1a diém chung ctia (SAB) va (SCD). Vi AB C (SAB), CD c (SCD) va AB//CD
nén (SAB)N (SCD) = Sz véi Sx//AB//CD.

Trong mat phang (SAB), dudng thang BG (ttic BN) cat Sz tai I. Khi d6 I € BG va I €
Sz C (SCD,).

Vay I = BG N (SCD), v6i I thuoc dudng thang qua S song song AB va N la trung diém ctia
BI (khi d6 SI = AB).
& Bai 3. Tai mot xudng san xuat bot da thach anh, gia ban (tinh theo nghin dong) cia x (kg)
bot da thach anh duge tinh theo cong thiic sau:

{4,5x khi 0 < 2 < 400
P(zx) =

(k 1a mot hang s6).
dr +k  khi xz > 400
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a) V6i k = 0, xét tinh lien tuc ctia ham s6 P(z) trén (0;4-00).
b) V6i gia tri nao cia k thi ham s6 P(z) lien tuc trén (0; +00)?
(2} Hmfg (/(gli/FlQl Trén (0;400) va (400; +00), P(z) 1a cdc ham da thic nén lién tuc. Do dé chi
can xét tinh lién tuc tai x = 400.
a) V6i k = 0: P(400) = 4,5 - 400 = 1800.
lim P(z) = 1800, lim P(x)=4-400 = 1600.

—400~ x—400+
Hai gi6i han mot bén khac nhau nén khong ton tai li%0 P(z). Vay P(z) gian doan tai z = 400,
xT—r
titc khong lién tuc trén (0; +00).
b) Ta c6 P(400) = 1800, lim P(z) = 1800 va lim P(z) = 1600 + k.

z—400~ z—400t+

P(z) lien tuc trén (0; +00) khi va chi khi 1600 + £ = 1800, hay k& = 200.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 5 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
¢ Cau 1. Ham s6 nao sau day lién tuc tai o = 27
T+ 5
1 2 —3
© fr) = ® f) = =5
() Hav‘aj c/d/i/zfréz',. Céac ham & A, C, D khong xac dinh tai = 2 nén khong lién tuc tai z = 2.
2¢ 4+ 1

2x+1
T

Ham f(z) =

la ham phan thitc xac dinh tai x = 2 nén lién tuc tai x = 2.

¢ Cau 2. Day s6 ndo sau day khong phai & cap s6 nhan?

@) 1;-1;1; 1. 1; —3;9; 10. © 1;0;0;0. (D) 32;16;8; 4.

[} Haoiy f/(‘?/ifzfdzl, A 1a cap s6 nhan véi ¢ = —1; C 1a cap s6 nhan véi ¢ = 0; D 1a cap s6 nhan
Gig=—.
voig=g
~ 2 _3 ]-0 ~ ~ e Z £ ~
Day B co T = —3, — = —3 nhung 9 # —3 nén khong phai cap so nhan.

$® Cau 3. Cho day s6 (uy,) ¢6 u, = sin % Chon khing dinh ding trong cac khang dinh sau day.

(A) Day s6 (u,) bi chan, Day s6 (u,) tang.
(©) Day s6 (u,) gidm. (D) Day sb (u,) khong bi chin.
[} Ha’o;zc f/(z/ijzaz Vi —1 <sin T < 1 v6i moi n nén day bi chan.
n

Mat khac u; =0, us =1, uz = - nén u; < us > ug, day khong tang va khong giam.

¢ Cau 4. X4c dinh s6 hang dau va cong sai clia cap s6 cong (u,) v6i u, = 2n + 3, Vn € N*.

A u; =2; d=3. ® uy =3; d=2.
©U1=5;d=2- ®u1:5;d:—

@ch‘o‘%ﬁ/@%zf{éi. u=2-143=5vAupy —u, =2(n+1)+3—(2n+3) =2.
Vayu1:5,d:2

12
$® Cau 5. Cho gbéc o théoa mén sina = 3 va g < a < 7. Tinh cosa.
1 5
(A)cosazﬁ.5 B) cosa = — 131
(©) cosa = & - (D) cosa = &
‘& HUO/% (/d/l(/f[fl( COS2 a=1-— @ = @
V1g<a<7rnencosa<0 suy ra cos o = — .
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¢ Cau 6. Cho lang tru tam giac ABC.A'B'C’. Khang dinh nao sau day ding?
@) (ABOC)//(A'B'C). (ABC)//(AB'C").
@ (ABC')J/(ABC). © (ABC') /| (AB/CY).
[} Hm)‘égj z/d/zjzfdzf. Hai déy ctia lang tru nim trong hai mat phang song song nén (ABC)//
(A'B'C").
Céc cap mit phang ¢ B, C, D déu c6 diém chung nén khong song song.
¢ Cau 7. Tap nghiém cua phuong trinh sin z = sin 5% 1a

2m
@S—{——I—k27r iy + k2m, kJEZ}.

S = {§+k27r 737T+k27r, keZ}.

@S—{——i—kQﬂ —%4—1{:27? I{JEZ}

2
©® S = {—+k —§+lm, k:EZ}.

om
5 T= + k2w
[} Ha(uy a/a‘”/y[dzl sinx = sin 53 © (keZ).

5 2
JZ:W—%—F/{ZQ?T:—?W—FI{Q?T

¢ Cau 8. Tinh lim (22° — 3z) bing

r——1

® —1. 5. © 1. ® 5.
e /lucong (/avyzf(zz; lim (22° —32) =2- (=1 =3 (-1) = —2+3=1.

rz——1
> Cau 9. Dicu kién can va di dé hai mit phang song song v6i nhau la

(A) Hai mat phang d6 cling song song v6i mot mit phang thit ba.

Hai mit phang do ciing song song v6i mot duong thang.

(©) Hai mat phing do khong c6 diém chung.

(D) C6 mot mat phang chita hai duong thang phan biét cling song song v6i mat phang con lai.
(&) HMOW a,/(?/z(/mfafz’, Theo dinh nghia, hai mat phang song song khi va chi khi chiing khong cé
diém chung.

A khong dii vi hai mit phdng cé thé triing nhau; B sai vi hai mat phing cit nhau vin c6 thé
cling song song véi mot dudng théng; D khong du vi hai dudng thing dé cé thé song song véi
nhau.
> Cau 10. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Dudng thing AD song
song véi mat phang nao trong cac mit phing dudi day?

@) (SBO). (ABCD). © (SAC). (D) (SAB).

N Hueong [/(5,27@; Vi AD//BC, BC c (SBC) va AD ¢ (SBC) nén AD//(SBC).
C

Cac mit phing con lai déu chita AD hoac cit AD.

$> Cau 11. Mot hang 6 to thong ké lai s6 1an gip su c6 vé dong co ctia 100 chiée xe cuing loai sau
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

2 nam st dung dau tién 6 bang sau
56 lan gap su o | [1;2] | [3:4] | [5;6] | [7;8] | [9;10]
S6 xe 17 33 25 20 5)

Hay u6c luong tit phan vi thit nhat ciia mau s6 lieu ghép nhom trén.

@) 2,64. 2.89. © 2,73. (D) 2,98.
(Y Huozy c/ai‘”/z(jszézf. Hiéu chinh thanh cac nhém lién tuc: [0,5;2,5), [2,5;4,5), [4,5;6,5), [6,5;8,5),
[8,5;10,5).

C3 mau n = 100, % = 25. Tan s6 tich liy: 17; 50; 75; 95; 100.

Vi 17 < 25 < 50 nén nhém chia ¢ 1a [2,5;4,5).

25 — 17 16
—925 2 =254 — ~ 208,
@1=25+ 33 ST

¢S Cau 12. Mot hinh chép c6 day 1a ngii gide c6 s6 mit va s6 canh 13

(A) 5 mit, 5 canh. 6 mat, 5 canh.

(©) 6 mat, 10 canh. (D) 5 mat, 10 canh.
(Y Ha‘o‘zy z/(?/z(fz'(é[. Hinh choép ¢6 day la ngi gidc ¢6 5 mat bén va 1 mat day, tic 6 mat.

S6 canh gom 5 canh day va 5 canh bén, titc 10 canh.

Phan II. Trac nghiém ding sai Thi sinh trd 5 ti¢ cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

& Bai 1. Mot khu vyc rimg tram c6 dien tich ban dau (dau nam 2025) duge ghi nhan 1a 15000
héc-ta. Do 4nh huéng ctia bién dbi khi hau vi xam nhap man, dién tich rimg dude dut bao bi suy
gidm vé6i toc do trung binh 4% mdi nam.
a) Dién tich clia khu ring vao dau nam 2026 1a 14400 héc-ta.
b) Dien tich ctia khu ring vao dau mdi ndm (sau nam 2025) 1ap thanh mot cap s6 nhan véi
cong boi ¢ = 0, 96.
¢) Dién tich khu ritng sau n nam (ké tit dau nam 2025) duge tinh theo cong thite 150000, 96" L.
d) Dén dau nam 2035, dién tich khu rimg da mat di 5028 héc-ta (lam tron dén hang don vi).
[ Hazf'/y disn /fszézf, Goi u, 1a dién tich rimg vao dau nam tht n tinh tit dau nam 2025. Ta c6
C C
u1 = 15000.
& a) Dung. Dién tich dau nam 2026 tng v6i ug = 15000 - (1 — 4%) = 15000 - 0,96 = 14400
(héc-ta).
& b) Ding. Méi ndm dién tich gidm 4% nén dieén tich nidm sau bang 96% nam trudc, tic 1a
Ups1 = Uy - 0,96. Day s6 14 cap s6 nhan véi ¢ = 0, 96.

& ¢) Sai. Sau n nam (ttc 1a vao dau nam thi n + 1), dien tich phéi 1a u,; = 15000 - 0, 96™.
Néu tinh cho dau nam thit n thi cong thitc 1a 15000 - 0, 96 1.

Tuy nhién "sau n nam" thuong duge hiéu la da qua n chu ky giam.

& d) Dang. Tu dau nam 2025 dén dau nam 2035 1a 10 nam. Dién tich con lai vao dau nam
2035 1a: 15000 - 0,960 ~ 9972 (héce-ta).

Diéen tich da mat di: 15000 — 15000 - 0, 96'° ~ 5028 (héc-ta).
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z? —bx + 4
& Bai 2. Cho ham s6 f(z) = r—1
3z — 6 khiz >1

khiz <1

@) = £

z—1+ r—1

)
)

c¢) Ham s6 gian doan tai diem zy = 1.
) =1.

e luong f/a?n(jmiz. a) Pang. f(1)=3-1-6=—3.

x2—5x—|—4: (x —1)(z —4)

b) Ding. Véi z < 1: =z —4,nén lim f(x)=1—-4=-3.

r—1 r—1 a1~
¢) Sai. Ta ¢6 lim f(x) = lim (3x —6) = —3, nén lim f(z) = lim f(z) = f(1) = —3. Vay
z—1+ z—1+ z—1- z—1t
ham s6 lién tuc tai o = 1.
d) Sai. lim M: lim se—6+3 lim M:g;#l_
z—1t r—1 z—1t r—1 z—=1t T —1

Phan III. Cau tra 16i ngan Thi sinh trd i ti cav 1 dén cau 4

& Bai 1. Mot ke dé do bang gb c6 mam tang dudi (ABCD) va mam tang trén (EFGH) song
song v6i nhau. Bac thg moc do duge AE = 100 cm, CG = 130 cm va mudén déng thém mam tang
(IJK L) song song véi hai mam tang trén, tang dudi va EI = 42 cm. Tinh do dai doan thang KG
theo don vi em (Két qua lam tron ¢ hang phan mudi).

e Hocong [/(;njzdzi. Ba mit phéng (ABCD), (IJKL), (EFGH) doi mot song song va cat hai
dudng thang AE, CG nén theo dinh 1i Thales trong khong gian:

EL_GI
EA  GC’
Suy ra GK = EL-GC = 42 130 = 54,6 cm.

EA 100
Vay KG = 54,6 cm.

& Bai 2. Trong hinh vé bén, cho duong tron (C') tam O, ban kinh r = 20 cm. Vé dudng tron (C)

di qua tam O va tiép xtc vé6i (C). Duong tron (C) c6 ban kinh bing mot nita ban kinh ctia (C),

tic lar = "~ 10 cm. Tiép tuc, vé dudng tron (Cy) di qua tam cta (C1) va tiép xac véi (Cy), voi

1 . 10

ban kinh ry = 5 =5 = 5 cm. Qua trinh nay tiép tuc dén vo han, véi mdi duong tron mdéi c6 ban
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

kinh biang mot nita ban kinh ciia dudng tron trude d6. Tinh dien tich phan t6 mau (két qua lam
tron dén hang don vi).

. 1\"
() Huoiy a,/(z“/z(,fz'(z’zf, Ban kinh cac duong tron lap thanh cap s6 nhan r, = 20 - (5) nén dién

1 R SR
tich cac nita hinh tron la §7r7‘72l, va cac phan dién tich nay bang 1 phan trude né.

Phan t6 mau la nita hinh tron (C') b di nita hinh tron (C}), cong nita hinh tron (Cs), bé di
nita hinh tron (C3), ... nén

s T 1 1
S:§(TQ—T’%+T§_T§+"')25‘400<1—Z+E—"')-
2 o N £ £ ~ N . ~ L 1 N 1 4
Tong trong ngoac la cap so nhan Iui vo han ¢6 u; = 1, q:—Z, bang T =z

1
4
Vay S = 2007 - 5= 1607 ~ 503 cm?.

ol 7 oyn o
& Bai 3. Biét lim W - % véi a,b € N va % 13 phan s6 t6i giagn. Tinh a2 + b2.

(&) Hm)‘/(y a/['Z/z(jz,'(izf. Chia ca t1t va mau cho 4™:
2-(3)"+7 047 7

R E) L R S

Dogtéi gidnnén a =7, b = 4.
Vay a? + b2 — 49 + 16 = 65.

& Bai 4. Céi xay gio 1a mot loai may chay béang stic gi6. Mot diem M nam trén canh ciia cdi xay
gi6. Khi canh quat quay thuan chiéu kim dong ho, vi tri thip nhat va cao nhat ctia M so véi mit
dat lan lugt 14 8 m va 22 m. Xét vong quay ctia M bat dau tit vi tri thip nhat tuong tng thoi
diém t = 0. Khi canh quay déu, khoang cach h (mét) tit M dén mat dat dugc tinh theo cong thiic

2 2 N 2
h = Acos (%t) + C, v6i t (giay) la thoi gian quay cta diem M (¢ > 0). H6i lan tha 2025 diem
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M cach mit dat 18,5 m 14 vao thdi diém bao nhiéu giay (Iam tron dén hang don vi)?

[} Hmfzg a/(izzcﬁzm Dua vao dit kién vi tri thap nhat (8 m) va cao nhat (22 m), ta co:

22 22 —
C= T+8 = 15. Bién do dao dong |A| = T8 =T.

Tai thoi diém ¢ = 0, diem M & vi trf thap nhit (h =8 m): 8 = Acos(0) + 15 = A = —T.
2
Vay cong thic tinh khoang cach 1a h = —7 cos <%t> + 15.

Yéu cau h = 18,5 m:

—T7cos <2§t> + 15 =185 < cos <2§t> = —0,5 = cos (%T)

2 2
@gt:ingﬂ@t:ig%k (k € N).

Trong mdi chu ky 7' = 5 giay, c¢6 2 thoi diém diém M cach mit dat 18,5 m.
. . 5 5 5
Cac thoi diem sap xeép theo thit tir tang dan la: t; = 3 +5:0, ty = —3 +5-1, t3 = 3 +5-1,
5

ti=—5+52..

. N 5)
Tong quéat, lan thi 2k — 1 1a ¢t = 3 +5(k—1).

Lan thit 2025 tng v6i 2k — 1 = 2025 = k = 1013.

: ) 5 15185
Thai diem can tim la: ¢t = 3 +5(1013 — 1) = 5060 + 3= 3 ~ 5062 (giay).
Phan IV. Ty luan
2
—4
. , TS g1 A .
& Bai l. Humso y = f(x) = r—1 . Tim a dé ham s0 lién tuc tai diem z = 1.
ar — 3 khixz <1

r—1— r—1—

o Hwa‘% a]&%zm Taco f(1) =a—3 va lim f(x)= lim (ax —3) =a — 3.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

Véi z > 1:

24 3 —1)(x—3
v T :(:U (= ):x—?),nén lim f(z)=1-3=-2.
r—1 r—1 z—1+

Ham s6 lién tuc tai £ = 1 khi va chi khi @ — 3 = —2, hay a = 1.
& Bai 2. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O. Goi M, N lan lugt 1 trung
diém ctia SD, CD.
a) Tim giao tuyén ctia hai mat phang (SAC) va (SBD).
b) Tim giao tuyén clia hai mit phang (SAB) va (SCD).
¢) Tim giao diém ctia dudng thang BM va mit phang (SAC).
d) Chitng minh mat phing (SBC) song song véi mit phang (OMN).

(2} Hm)y f/dz‘”/ifz'dzl a) S la diem chung ctia (SAC) va (SBD). Vi O = AC N BD nén O ciing la
diém chung.
Vay (SAC)N (SBD) = SO.
b) S 1a diém chung ctia (SAB) va (SCD). Ta c6 AB C (SAB), CD C (SCD) va AB//CD.
Do d6 giao tuyén la duong thang d di qua S va song song véi AB (va CD).
¢) Trong mat phang (SBD), goi [ = BM NSO. Vi SO C (SAC) nén I € (SAC).

Vay I = BM N (SAC). (Do SO, BM la hai trung tuyén ctia tam giac SBD nén I 1 trong tam
tam giac SBD.)

d) Trong tam giac BCD, O va N lan lugt 1a trung diém ctia BD va CD nén ON // BC.
Trong tam giac SCD, M va N lan lugt 1a trung diém ctia SD va CD nén M N //SC.

Ta ¢c6 ON, M N cat nhau tai N va cing nam trong (OMN); BC, SC' cét nhau tai C' va cing
nam trong (SBC). Vay (OMN)//(SBC).

& Bai 3. Trong mat phang toa do Oxy, cho dudng thing d :  +y = 2 cit truc hoanh tai diém A

1 7
nE L tai didm P, (n € N*). Kf hieu S, I dien tich cia tam gic

va cit dudng thang d, : y =
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OAP,. Tim lim S,,.
Yy dy 1y = 2ty

9) de

[} Hm)‘y (/(E/yz'dz'. d it truc hoanh tai A(2;0), nén OA = 2.

2n+1 3n+1 2n
rT=2%& T =2,suyraxp, = .
n n 3n+1

2n+1  2n 2(2n+1)

Hoanh do cua P, théa x +

n ‘3n+1_ 3n—+1

Tung do cua P, la yp, =

Dién tich tam giac OAP, la

22n+1)
= —.0A —
& Od-ye, 3n+1
Do do
2 1
lim S,, = lim ( 1”> = %l
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 6 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
> Cau 1. Bang dudi biéu thi két qua diéu tra thoi gian st dung Internet hing ngay ctia mot sé
nguoi.

Thasi gian (phit) | [30;60) | [60;90) | [90;120) | [120;150) | [150; 180)

S6 nguoi 2 4 10 5 3
Khang dinh nao dudi day sai?
@® M, = 105.
Gia tri dai dién ctia nhém [60;90) 1a 75.
© 7 = 108,75.

() Nhém chita mét 1 [90; 120).
[ Huozy a./d’/ifz'a’fzf, Nhém c¢6 tan s6 16n nhat 1a [90; 120) nén D dung. Gia tri dai dien ctia [60; 90)
60 + 90

2
Cd mau n = 24. Gia tri dai dién cdc nhom: 45;75;105; 135; 165.

2-45+4-754+10-105+5-135+3-165 2610
24 DY

a = 75 nén B ding.

T =

= 108,75.
Vay C ding.

. 10 -4
Mot: My = 90 +

(10 — 4) + (10 — 5)

180
130 =90 + — ~ 106,36 # 105. Vay A sai.

¢ Cau 2. Cho cap s6 cong (u,) c6 uy = —5 va d = 3. Ménh dé nao sau day dang?

@ U190 = 32. U190 = 22. @ U9 = 25. @ U190 = 34.

P Hmmj ﬁ/fzf/éjlzfzg. Ulp = Uy + 9d = —5 + 27 = 22.

$> Cau 3. Goi S 1a tap hgp tat ca cac sd thuc o thdéa man ba sé x, 4z, 25 theo thi tu d6 lap
thanh mot cap s6 nhan. S6 phan ti ctia S 1a

@ 2. ® 3. © 1. ®) 0.
(e} Hwo‘y c/(?/z(,jzfdzf. Ba s6 lap thanh cap s6 nhan thi (4z)? = 225 & 1622 = 25x =0 2 =0
hos 25

oac r = —.
‘ 16
B C o 25 .. 25 25 . .

V6i x = 0 thi day 0;0;25 khong 1a cap s6 nhan. Véi z = 16 thi day 1—6; R 25 ¢6 cong boi 4

(théa man).

Vay S ¢6 1 phan tii.
$> Cau 4. Cho hinh hop ABCD.A'B'C'D’, duong thing AB song song véi mit phang nao dudi
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day?

D/
| C/
A/ % B/
Dt
A B
@ (AB'C'D). (ADD'A"). @© (BCC'B). ©) (ABCD).

(&) Hmféz/c z/(?fz(jz’dé. AB//A'B', AB' C (AB'C'D") va AB ¢ (A’B'C'D') nén AB//(A'B'C'D’).
Cac mat phang (ADD'A"), (BCC'B'), (ABCD) déu chita AB.
¢ Cau 5. Cong thiic nao sau day sai?
(A) cos(a+ () = sinasin 3 — cos a cos 3.
sin(a — ) = sin acos 3 — cos asin S.
(© sin(a + ) = sin a cos 8 + cos asin 3.

(D) cos(a — ) = sinasin 3 + cos a cos B.
[} Hwog [/(fli/fzaz Cong thitc ding la cos(a+ ) = cosacos B —sinasin 3, nén A sai. Cac cong

thic B, C, D déu ding.

$® Cau 6. Cho P = lim > 1 Meénh dé ding 1a

4t T —
® P=5 ® P=-x. © P = +oo. ©® P =0.

ey /{aoﬂézf (/avzdmzzi. Khiz — 47 thiz —4 — 07 nén P = +o0.

1 1 1 .
31 5 6
@ +oo. ®) %5 © 1 ) 5
? Z Z ].
[} Hmfy f/dn_czfdzf. Day 1a tong cap s6 nhan Iui vo han ¢6 u; =1, g = 5
C
1 5)
M = T =
-1 1

> Cau 8. Trong khong gian, hai dudng thang phan biét c6 bao nhiéu vi tri tuong ddi?

® 1. 2. © 3. ® 4.
[} Huozzj (/{2/%[(2’[. Hai dudng thang phan biét c6 3 vi tri tuong dbi: cit nhau, song song, chéo
nhau.
$ Cau 9. Cho bén diém A, B, C, D khong ciing ndm trong mot mit phang. Tren AB, AD lan lugt
lay cac diém M, N sao cho MN cat BD tai I. Diém I khong thuoc mat phang nao sau day?

() (ABD). (BCD,). (© (CMN). (D) (ACD).
&5 Huong din gidi. 1€ MN C (ABD)val € BD C (ABD).nen I € (ABD). 1 € BD C (BCD)
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nén I € (BCD). I € MN € (CMN) nén I € (CMN).
Duong thang BD cat (ACD) tai Dval# D (vil € MN, M # A), nén I ¢ (ACD).
¢ Cau 10. Nghiém ctia phuong trinh 2 cos(z — 15°) — 1 =0 la

(2 = 75° + k360° (2 = 60° + k360°
@ o o’ k Z. o o’
| = 135° + k360 |2 = —60° + k360
(2 = 45° + k360° (2 = 75° + k360°
© , ke ® )
|z = —45° + k360° |z = —45° + k360°

, . 1
o Vocong f/fz,z(izf(;z. cos(w — 15°) = 5 & v — 15° = £60° + k360°.
Suy ra x = 75° + k360° hoac x = —45° 4+ k360°.

¢ Cau 11. Cho hinh chép S.ABC. Goi M, N lan lugt la trung diém canh SA, SB va P la diém
trén canh SC sao cho SP = 3PC. Duong thang nao dudi day song song v6i mit phang (ABC)?

@) MN. MP. © NP. ®) SC.
o Hocong C/zzléfzzg,zt, M N la dudng trung binh ctia tam gidgc SAB nén MN//AB. Ma AB C (ABC)
va MN ¢ (ABC) nén M N //(ABC).

Céc dusng MP, NP, SC déu cat (ABC) (tai cac giao diém tuong tng véi AC, BC, C).

¢ Cau 12. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi P, @ lan lugt 13 trung
diém ctia SA, SB. Dudng thing PQ song song véi mit phang nao trong cac mit phing sau day?

@) (SBO). (SAD). © (SAB). D) (SCD).
N Huon (/(?/z(/c[(ézf. PQ la duong trung binh ciia tam gidc SAB nén PQ//AB. Ma AB//CD

C
(hinh binh hanh) nén PQ//CD.

Vi CD C (SCD) va PQ ¢ (SCD) nén PQ//(SCD).
Céc mat phang (SBC), (SAD), (SAB) lan lugt cit hodc chita PQ.
$> Cau 13. Cho day s6 (u,) cho béi cong thiic tong quat u, = 4 +4n?, n € N*. Khi dé ug bing

@A) 68. 104. (© 504. (D) 148.

e Hwo‘nj f/a“/zjzf(;z. Ug =4+ 4-62 =4+ 144 = 148.

Phan II. Trac nghiém ditng sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai
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& Bai 1. Cho hinh chép S.ABCD c6 day ABC D 1a hinh thang, day 1én AB. Goi I, J lan lugt 1a
trung diém ctia AD va BC va G la trong tam tam gidc SAB. Diém E nam trén canh SA sao cho

SE =2FA.

a) Giao tuyén clia mit phang (SAB) va (SCD) la duong thang d di qua S song song v6i AB,
CD.

b) Giao tuyén ctia mat phang (SAB) va (GIJ) la dudng thang di qua I song song v6i GJ.

¢) Giao diém ctia dudng thang SB va mat phang (GIJ) la diém thuoc duong thing di qua G
va song song véi dudng thang I.J.

d) EG song song véi CD.
l&)%mgwﬁﬁﬁmﬁa)Dﬁm;Sladémcmmgdm(SAB)ﬁwSCD)fﬂ?C(SAB)CE)C
(SCD), AB//CD nén giao tuyén la dudng thang d qua S song song véi AB, CD.

b) Sai. I.J 1a dudng trung binh ctia hinh thang nén I.J//AB. Ta c¢6 G la diém chung ctia (SAB)

va (GIJ), AB C (SAB), IJ C (G1.J), AB//IJ nén giao tuyén la duong thang qua G song song
v6i AB. Diém I khong thuoc (SAB) nén giao tuyén khong di qua I.

c¢) Ding. Giao tuyén clia (SAB) va (GIJ) la dudng thang qua G song song v6i AB (va I.J).
Duong thing nay nam trong (SAB) nén cit SB tai mot diem H. Khi d6 H = SBN (GIJ) va H
thuoc duong thang qua G song song véi 1.J.

. SG 2 SE 2
d) Pang. Goi M la trung diem cia AB thi G € SM va — = —=. Vi SE = 2FA nén — = 3

SM 3 SA
SE  SG
Suy ra A= SN nén EG//AM, tic EG//AB. Ma AB//CD nén EG//CD.
& Bai 2. Cho hai day s6 (uy,) va (v,) €6 u, = 4n? + 3; v, = 3n? + 7.
a) lim =% = é
Un, 3
1 1
b) lim — — -
) lim o
. (up)? 16
lim —— = —.
c) lim o 3
2
a) tim T g eni d6 0 = 20,
Un

An?+3 A+ 4

3217 M3y LT3

n2

(2 Hwo‘ézy f/(z}zjid,zﬁ, a) Dang. lim
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

1
b) Sai. u, — 400 nén lim — = 0.
Unp

(un)? (02432, (4+32)°

Sai. = =n°- — .
c¢) Sai o 32 17 n 3+n_72 +o0
3 Up+an®*+7 (4+a)n*+10 4+a 44+ a
d) Ding. o = S 7 — 7 Cho —5— = 8 suy ra a = 20.

Phan III. Cau tra 16i ngin Thi sinh trd loi ti cau 1 dén cau 4

, 2 6n—2025 1 \
& Bai 1. Cho biét lim " — Z. Gi4 tri @ bing bao nhicu?
n—+00 2+ 4 a

(&) Hmfy (/Q?/z(jz'(éz'.

. n?2+46n-2025 . 148208
lim = lim ”—4" = —.
n——+o0 ™2+ 4 n—+o00 7+ 3 7

1 1
Suyra — = -, haya="T1.
a 7

& Bai 2. Ham s6 v(t) = mo ta van téc (m/s) clia mot vat tai

at — 3 khi 5 <t <10
thoi diém ¢ (giay) trong khodng thai gian 10 giay dau tien ké tit khi vat bat dau chuyén dong. Biét

{—t2+4t+12 khi0<t<5

rang v(t) 1& ham lien tuc trén doan [0; 10] va trong 10 giay dau tien d6 c6 hai lan vat dat van toc
10m /s vao cac thoi diém ¢, giay va ty giay. Tinh t; + 5 (két qua lam tron dén hang phan mudi).
(2} Hzm‘?j c/(i)z(/mfdzf. Ham s6 lien tuc trén [0; 5] va (5;10]. Dé lien tuc trén [0; 10] thi v(t) lién tuc
tait = 5:
v(b) =—-254+20+12=7, lim v(t) = 5a — 3.
t—5+

Suy ra ba —3 =7, hay a =2 va v(t) = 2t — 3 khi 5 < ¢ < 10.

Giai v(t) = 10:

& Tren [0;5]: —t244t+12 =10 & t?—4t—2 =0 & t = 24+/6. Chico t = 24+/6 ~ 4,45 € [0; 5].

& Trén (5;10]: 2t — 3 =10 & t = 6,5 (thoa méan).
Vay t1 +to =24+ V6 +6,5 = 8,5+ v6 ~ 10,9.
& Bai 3. Tai mot cong ty san xuat do choi A, cong ty phai chi 10000 USD dé thiét lap day chuyén
san xuat ban dau. Sau dé, ¢t san xuat duge mot san pham do choi A, cong ty phai tra 5 USD cho
nguyen lieu tho va nhan cong. Goi x (z > 1) 1a 86 do choi A ma cong ty da san xuat va T'(x) (don
vi USD) la tong s6 tién bao gdom ca chi phi ban dau ma cong ty phai chi tra khi san xuat z do

~ 2 by T
choi A. Ngusi ta xac dinh chi phi trung binh cho méi san pham do chai A 1a M(x) = ﬁ Xem
x

M (x) 1a ham s6 theo z x4c dinh trén nita khoang [1;+00), tim lim M (z).

T—r+00
o Veeong a/f;,z( gidd. Tac6 T(x) = 10000 + 52 nén
10000 + 5z 10000
M(z) = o +5.
X X

1
Do d6 lim M(z) = lim (0000+5):5.

Tr——+00 r—r—+00 €T

& Bai 4. Tam giac ABC c6 s6 do mot goc 1a 120°, do dai ba canh ciia n6 la ba s6 hang lién tiép
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clia mot cap s6 cong va dién tich tam giac ABC bang % Tinh ban kinh dudng tron ngoai tiép
tam gidc ABC (két qua lam tron dén hang phan tram).
N Hicong szﬂjm, Goi ba canh 1a b —d, b, b+d véi b > 0, d > 0. Gée 120° d6i dien canh 16n
nhat b + d. Theo dinh 1i cosin:

(b+d)?=(b—d)?+b*—2(b—d)bcos120° = (b —d)* +b* + (b — d)b.
Khai trién va rit gon dude 5bd = 2b%, suy ra d = %b Ba canh c¢6 ti 1é %b b %b =3:5:7, dat
ba canh la 3k, bk, Tk.

k=

15V3 , _5V3 4
ok =

1
Dien tich: § = 7 - 3k - 5k - sin 120° = 2= suy ra k2 = o,

2

3
£ ya . M4 o . . s

Canh doi dién goc 120° 1a 7k = 3 Ban kinh duong tron ngoai tiep:

R Tk ~14/3 143
© 2sin120° /3 9

~ 2.69.

Phan IV. Ty luan

& Bai 1. Tim gidi han clia cdc ham s6 sau:

. 3x2—4x—4
a) lim ———;

x—2 $—2

. V1+3z -1
b) lim ———;

x—0 2:[,‘

) _

c¢) lim - +?2)+\/_ 3.

z—1 2 —1

o M)‘W a/(z/z(jzm

2 dr—4 -2 2
a) Ta c6 lim Jrimdv—d lim (x=2)@8z+2) = lim(3z +2) = 8.
r—2 Qj—2 r—2 ;U—Q r—2
b) Ta co
. V1+3z -1 ) 3x
lim ——— = lim
=0 21 w0 22 (/14 3z + 1)
: 3 3
= lim = -
=02 (V14+3r+1) 4
c) Taco

i Va2 434z —3

rx—1 ;1;2—]_
/22 _ —

= lim e Q—i-\/E !

z—1 2 —1 x?—1

oty e
= lim

a1 (V224342 (z+1)(Vor+1)
11 1

4 4 2

& Bai 2. Mot khéi gd c¢6 cac mit déu 1a mot phan ciia mat phang véi (ABCD)//(EFMH),
CK //DH. Khéi gb bi hong mot goc (hinh bén). Bac thg moc mudn lam dep khdi gd bang cach
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cat khéi gd theo mat phang (R) di qua K va song song véi mat phang (ABCD).
F M

A D

a) Hay gitp bac thg moc xac dinh giao tuyén ctia mit phang (R) v6i cdc mat ctia khoéi gb dé
cat duge chinh xac.

b) Goi I, J lan lugt 1a giao diém ctia DH, BF v6i mat phang (R). Biét BF = 60 cm, DH = 75
cm, CK =40 cm. Tinh FJ.

() Ha’o‘zy f/fz‘\/iizfézf.

a) Vi(R)//(ABCD)va (ABCD)//(EFMH) nén (R) khong c¢6 diém chung v6i hai mat (ABC D)
va (EFMH). Ta xac dinh giao tuyén véi cac mat bén nhu sau.

& Trong (CDHM): (R) N (CDHM) la duong thang qua K song song véi CD, cat DH
tai 1. Giao tuyén 1a K1.

& Trong (ADHE): (R) N (ADHE) la duong thang qua I song song v6i AD, cit AFE tai
L. Giao tuyén 1a IL.

& Trong (BOMF): (R) N (BCMF) la dudng thing qua K song song véi BC, cit BF tai
J. Giao tuyén la KJ.

& Trong (ABFE): (R)N(ABFE) la dudng thang qua J song song véi AB, cat AE tai L.
Giao tuyén 1a JL.

Vay bac tho moc cat theo cac doan KI, IL, LJ, JK.

b) Trong (CDHM) ¢6 KI1//CD va CK//DI nén CDIK 1a hinh binh hanh. Suy ra DI = CK =
40 cm.

Ba mit phéng song song (ABCD), (R), (EFMH) cat mat phang (BDHF) theo cac giao
tuyén BD, JI, FH doi mot song song. Theo dinh 1i Thales:
BJ DI 40 8
BF  DH 75 15
SuyraBJ:%-60:32cm.
Vay F'J = BF — BJ =60 — 32 = 28 cm.

& Bai 3. Nha ban Lan ¢6 mot den trang tri khung hinh chép tam giac S.ABC. Vi tri bong den
tiép xtc v6i mat day (ABC) tai trong tam G clia tam gidc ABC. Me Lan nho Lan xac dinh vi
tri diém M trén canh SA clia den. Biét rang M la giao diém ctia SA v6i mat phang (), va mat
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2 2 7z SM
phang («) di qua G va song song v6i mit phang (SBC). Em hay giap Lan tinh ti so i

[ Hmfég/o a/d/éjzfd[.

Trong mit phang (ABC): Qua G ké duong thang song song BC cat AB va AC lan luct tai N va
P.
Trong mat phang (SAC): Qua P ké duong thang song song SC cit SA tai M.
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(NP//BC

PN//SC

Ta c6 ¢ SC C (SBO) = (MNP)//(SBC).

BC c (SBC)

MPNNP={P}

M 1a gi\ao diém ctia (a) v6i SA suy ra SAN (MNP) = {M}.

Vi NP//BC nén theo dinh ly talet ta c6 ﬁD Z;}lg = jg = g

. o . SM 1
MP//SC nén theo dinh ly talet ta c6 L= AP 3

110 » Swwe larg va Bién soan: Lé /@714 K/Za—03(9ﬂ553362



TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 7 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdat dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

$> Cau 1. Cho géc MON = 60°. Xac dinh s6 do ctia géc lugng giac (OM, ON) duge biéu dién
trong hinh vé dudi day:
N

60°

@A) 120°. 60°. © —300°. (D) 300°.
[} H‘mf r/&f/ifz'dzi, T tia OM quay theo chiéu kim dong ho (chiéu am) mot goc 300° thi duge
tia ON.

Vay (OM,ON) = —300°.

$> Cau 2. Gid st M(z;y) la diém biéu dién cho géc lugng gidc c6 s6 do a nhu hinh vé bén dudi.
Khang dinh nao sau day ding?

. (D) sina = 2.

x
@) sina = z. sina = . © sina =~

Yy x
[ Hlm/élf din gidi. Theo dinh nghia gia tri lugng giéc, néu M (z;y) 1a diém biéu dién géc a tren
duong tron lugng giac thi cosa = x, sina = y.
$> Cau 3. Trong cac ham s6 sau, ham s6 nao 14 ham s6 chén?

A) y = cotx + . ®B) y = sin® x.
©) y = tanuz. D) y = cosw.
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[ Hmfy J@yzfaﬁzl Ham s6 y = cosz ¢6 tap xac dinh R va cos(—z) = cosz v6i moi z nén 1a
ham s6 chin. Cac ham sb con lai déu 1a ham sb 1é.
$® Cau 4. Nghiém ctua phuong trinh cosx =1 la:

A z=k2m, keZ. ®) z=m+k2m, k € Z.
© z=kn, keZ @x:g+k2w,kez.

[ Hm)‘/(y a/d/z(fzfa’z,'. Tacocosxr =1 2=~k kel

$> Cau 5. Trong cac day s6 (u,) cho bdi cong thiic clia s6 hang tong quat u,, dudi day, day sé nao
1 s6 tang?

n—2
= . W= —2n+5.
@ u 1n+1 B) u n +
@unzﬁ- @unZ—TLQ.
, N -2
S ocong din gidi. Xét v, = Z—+1 Ta c6
n—1 n—-2 (m-1)mn+1)—mn-2)(n+2) 3
Up4+1 — Up = - = - > 0.
n+2 n+l (n+1)(n+2) (n+1)(n+2)

Do d6 w41 > u, nén day (u,) la day s tang.
Cac day con lai déu 1a day gidm.
> Cau 6. Trong céac day s6 cho bdi cong thiic clia s6 hang tong quat u, dudi day, day sé nao la
mot cap sd6 nhan?
@A) u, = n. U, = 5.
1
@un:3n+1. @un:—.
n
Upg1 5n+1

(e Ha’o‘% a/(‘z‘}z(fzfd,zf. V6i u,, = 5" ta c6 == = 5 khong doi nén (u,) 1a cap s6 nhan vdéi
Up, "

cong boi g = 5. "
n+1

Cac day con lai c6 phu thuoc vao n hoac khong phai hiang s6 nén khong 1a cap s6 nhan.

n

$> Cau 7. S6 canh va s6 mat cia mot hinh t¢ dién theo thi tu 1a

@) 4; 6. 6; 4. © 4; 4. (D) 6; 6.

P Hmmj (/[g/z(fzfd,zf, Hinh tit dién ¢6 6 canh va 4 miit.

> Cau 8. Cho tit dien ABCD. Goi M, N lan lugt 1a trung diém ctia AB, AC nhu hinh vé. Khing
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dinh nao sau day ding vé vi trf tuong ddi gitta hai duong thing MN va CD?
A

(A) M N va CD song song v6i nhau.
MN va CD chéo nhau.
(© MN va CD cit nhau.
(D) MN va C'D dong phang.
[ Huoiy cz,/(ﬁfé/cz'(z’,z'. Vi M N la duong trung binh ctia tam giac ABC nén M N // BC.
Ma BC va CD cit nhau tai C' (khong trung nhau) nén M N va C'D khong song song va khong
cat nhau. Do d6 M N va CD chéo nhau.

$> Cau 9. Cho hinh hop ABCD.A’B'C'D’ (hinh vé bén duéi). Mt phang (AB’D’) song song véi
mat phang nao sau day?

B c

@ (A'BD). (D'BD). © (C'BD). ©) (B'BD).
O aeong z/(f/z(jzfdzf, Ta ¢6 AB'//DC' va B'D' [/ BD nen (AB'D')//(C'BD).

$® Cau 10. Chon phat biéu ding?
(A) Phép chiéu song song bién 2 dusng thing song song thanh 2 duong thing c6 thé cit nhau.
Phép chiéu song song bién 2 duong thang song song thanh 2 dudng thang cé thé chéo nhau.
(© Phép chiéu song song bién 2 duong thang song song thanh 2 dudng thang c6 thé tring
nhau.
(D) Phép chiéu song song giit nguyen ti s6 do dai ciia hai doan thang bat ky.
[} Huo;cz? a/a)yzfd,zi. Phép chiéu song song bién hai dudng thang song song thanh hai dudsng thang

song song hodc tring nhau. Phép chiéu song song chi giit nguyén ti s6 do dai ctia hai doan thang
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nam trén hai dudng thang song song hoiic triing nhau.

$> Cau 11. Ham s6 y = 5 gian doan tai diém nao duéi day?

@) r=-2. ® z=1. © z=0. D z=2.

N luong f/(z”/zéfz'a?zl Ham s6 x4c dinh trén R\ {2} nén gian doan tai z = 2.
C
$¢> Cau 12. Ham s6 ndo sau day lién tuc trén R?
@A) y =tanz. y = sinx. © y=+vr—1 D y=

[ Hacw(/f din 71.7(2’1.', Ham s6 y = sinx xac dinh va lién tuc trén R. Cac ham con lai khong xéc
C

r—1
x—3

dinh trén toan bo R.
Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén ciu 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chép S.ABCD, ABCD la hinh binh hanh tam O. Goi M, N lan lugt 13 trung
diém SA, SD.

a) SO la giao tuyén ctia hai mat phang (SAC) va (SDB).
b) MO//SB.
¢) (MNO)//(SBC).
d) MO//(SBC).
[ Ha‘d’zzy (z/(gfifzké,zf,
a) Ding. Ta c6 S 1a diém chung ciia (SAC) va (SBD). Vi O = AC'N BD nén O ciing la diém
chung ctia hai mat phéng. Vay (SAC) N (SBD) = SO.

b) Sai. Trong tam gidc SAC, MO la dudng trung binh nén MO//SC. Ma SC va SB cét nhau
tai S nén MO khong song song véi SB.

¢) Pang. M N la dudng trung binh cia tam giac SAD nén MN // AD. Ma AD // BC nén
MN//BC, suy ra MN //(SBC).
Lai ¢6 MO//SC nen MO//(SBC).
Hai duong thang M N, MO cit nhau ciing nam trong (M NO) va ciing song song véi (SBC).
Vay (MNO)//(SBC).

d) Pang. Vi MO//SC, SC  (SBC) va MO ¢ (SBC) nen MO //(SBC).

22+1 khiz>0

& Bai 2. Cho ham s6 f(x) = .
20 —1 khiz <0

a) Ham s6 y = f(z) lién tuc tai z = 2.
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b

C

f(0) =2.
lim f(x)=—1.

z—0t

)
)

d) Ham s6 y = f(x) gian doan tai z = 0.
[ Huw(zy (/(E/Z,;Jmfdzﬁ.

a) Dung. Tai z =2 > 0 ham s6 1a f(z) = 22 + 1, 1a ham da thitc nén lién tuc tai v = 2.

b) Sai. Ta co f(0) =0>+1=1.

c¢) Sai. Tac6 lim f(z)= lim (z*+1)=1.
)

z—0t z—0t

d) Ding. Ta ¢6 lim f(z)=1va lim f(z) = lim (22 — 1) = —1. Hai gi6i han mot bén khac
z—0 z—0~ z—0~
nhau nén khong ton tai lir% f(x). Vay ham s6 gian doan tai x = 0.
T—
Phan III. Cau tra 16i ngan Thi sinh trd i ti cav 1 dén cau 4
n?+46n —2025 1

& Bai 1. Cho biét nl—i>1:I|—100 RO = Gia tri a bang bao nhiéu?

[ Hwo‘fy [/(Z?/Z(jl.(l)l.. Ta c6

62025
_oni46n—2025 . T T T
lim = lim ————~— = —.
n—+00 ™2+ 4 n—+oo 4 7
7+ —
n

1 1
Suy ra — = -, vay a = 7.
a 7

& Bai 2. Tim hiéu thoi gian hoan thanh mot bai tap khé ctia mot s6 hoc sinh thu dude két qua
sau:

Thoi gian (phat) | [0:4) | [4;8) | [8:12) | [12:16) | [16;20)
S6 hoc sinh 2 4 7 4 3

Tim thoi gian trung binh hoan thanh bai tap dé clia cac hoc sinh (két qué lam tron dén hang phan
mudi).

() Hwo‘/(y c/&’/i/mfdzf. Gi4 tri dai dién ctia cdc nhém lan lugt 1a 2; 6; 10; 14; 18. C6 mau n =
2444+7+44+3=20.

Thoi gian trung binh 1a
2:244-64+7-104+4-14+3-18 208

& Bai 3. Mot ho dan ldp dat mot camera trén ctra nha dé c6 thé quan sat duge cong va san nha.
Ctia nha tai diém A va cong tai diem C, AC = 6 (m). Camera dugc dat tai vi tri B, hinh chiéu
vuong goc ctia B lén mat dat trimg v6i diém A, AB = 4 (m). Dé dam bao an ninh, camera c6 thé
quan sat dugc diém E trén cong, C'E song song AB, CE = 3 (m) va vi tri diém D thugc doan AC,
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cach diém A mot khoang AD = 0,5 (m). S6 do ciia DBE bang bao nhieu do

B

N oono din olal.
(7

C D A
Goi F 1a hinh chiéu vuong goc ctia E len AB. Dat goc A/B\E:a; A/BB:ﬁ
Ta c6: EF = AC =6 (m), BF = AB— AF = AB— CE=4—3=1(m)

Xét ABEF vuong tai F: BE = /BF? + FE? = /62 + 12 = /37 (m). Ap dung hé thic luong
trong tam giac vuong ta co:
, EF 6 BF
sina = —— = ;

1
BE ﬁ’ COS (¥ = ﬁ_\/__
-

Xét AABD vuong tai A: BD =+ AB? + AD? = ( ) 5 Ap dung heé thic luong
trong tam giac vuodng ta co:
5 AD 1 3 AB 8
sin —— = ——; cos —.
B 65 BD /65

Ap dung cong thic cong ta co:
sin DBE = sin(aw — ) = sina - cos B — cos « - sin
—_— 6 8 1 1 47 —
& sin DBE = : — . = = DBFE ~ 734°.
V37T V65 V37T /65 /2405

Cach 2:

— EF AD 1
Ta c6: tan ABE = tana = BF = =0, tan ABD = tan g =

AB 8

— tana — t 47
tan DBE = tan(a — §) = - jrz:‘na atr;fﬁ === DBE ~ T3.4°.
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» Swwe larg va Bién soan: Lé /@714 )(/z(z -0399653362



& Bai 4. Ban Nhi muén trang tri mot géc cau thang bang cach t6 mau cac hinh vuong nhu hinh
vé bén dudi. Biét goc cau thang c6 dang mot tam gidc vuong can c6 canh 8 m va ban trang tri nhu
sau:
¢ Lay trung diém canh huyen dung doan thang song song hai canh tao hinh vuong (1) va to
mau no.
& Phan trang trén cting va dudi cuing 1a 2 tam gidc vuong can va ban lai tiép tuc thuc hién nhu
ban dau dung hai hinh vuong (2) va t6 mau no.
& Phan trang trén cuing va duéi cling 1 2 tam giac vuong can va ban lai tiép tuc thyc hién nhu
ban dau dung hai hinh vuéng (3) va t6 mau no.
Ban Nhi tiép tuc qué trinh nhu thé dén khi cac hinh vuong khong thé t6 dude nita thi tong dien
tich da dugc t6 mau 1a bao nhiéu mét vuong? (két qua lam tron dén hang phan mudi).

(4)

®3)

(2)

8m

[} Hmfy a/(f/i/mfa’zf, Hinh vuong (1) ¢6 canh 4 m (néi trung diém canh huyén v6i hai canh géc
vuong), dién tich u; = 4% = 16 (m?).

Sau do6 con hai tam giac vuong can canh goc vuong 4 m. Trong moi tam giac, hinh vuéng dung
tuong tit c6 canh 2 m. Hai hinh vuong (2) c6 tong dién tich 2 - 22 = 8 (m?).

Tiép theo con hai tam gidc vuong can canh géc vuong 2 m, nén hai hinh vuong (3) c6 canh 1
m, tong dién tich 2- 12 = 2 (m?).

Citt mdi bude, canh hinh vuong gidm mot nita nén dién tich mdi hinh vuong gidm 4 1an, ma s6
hinh vuong van la 2. Vay tong dién tich cdc hinh vuong ¢ mdi budc tit bude (2) tré di lap thanh

cap s6 nhan i vo han v6i s6 hang dau 8 va cong boi ¢ = T

Téng dién tich da t6 mau la
8 32 80 9

1— =
4

Phan IV. Ty luan

& Bai 1. Tinh cac gi6i han sau:
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. 20 +5n—17
a) lim —————;
n—+oo hn? —n + 19
V3r —2—2
b) lim

=2 —3x2 +2x + 8

X u()/cz? (/(’5/%[(5&.

a) Ta co
5 17
202450 —17 2+ -5 2
lim ——— = lim ==
n—+oo Hn2 —n + 19 n—+o0 5_ 1 Q 5
n  n?
b) Tacoé =322 +2x+8=—(3z+4)(z —2) va
3z —6 3(z —2)
V3r—2—-2= = .
V3r—2+2 3z —242
Do do
i V3r—2—2 . 3(z—2)
im = lim
v=2 =322 + 20 +8 -2 —(3z +4)(z — 2) (V3 —2+2)
-3 -3 3

:l. = = — .
v 3z +4) (Var—2+2) 10-4 40

& Bai 2. Cho hinh chép S.ABCD c6 diy ABCD la hinh thang, AD la day 16n. Goi M, N lan
lugt 1a trong tam cia tam giac ABC va SBC.

a) Xac dinh giao tuyén ctia mat phang (SAB) va mat phang (SCD).
b) Ching minh: M N //(SAB).

[} Haozy [/fc/l(jl(u

a) Ta c6 S la diém chung ctia (SAB) va (SCD).
Vi ABCD la hinh thang c6 day 16n AD nén AB va C'D khong song song. Goi E = ABNCD.
Khi do
E e AB C (SAB), EeCD c (5CD,).
Suy ra E la diém chung thi hai ctia hai miit phang.
Vay (SAB)N (SCD) = SE.

. IM 1

b) Goi I la trung diem cua BC. Vi M la trong tam tam giac ABC nén M € Al va T4~ 3
. - . R _IN 1
Vi N la trong tam tam giac SBC nén N € ST va T35
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v _IN
IA IS
Ma SA C (SAB) nen MN //(SAB)

Vay MN//(SAB).

Trong tam giac IAS ¢6 nén MN//SA (dinh li Thales déo).
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 8 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Ham s6 nao sau day lien tuc trén R?

@y:%otx.l ® y=12°—1.
—
©y= D y=+vr2—1.

r—1
[} /—[a'o/'% f/ﬂll(il(zl Ham s6 y = 2% — o 13 ham da thiic nén lién tuc trén R. Cac ham con lai déu

khong xac dinh trén toan bd R.

¢ Cau 2. Cho day s6 (u,) va (v,) thod lim w, =2va lim v, = —4. Tinh lim(u,, +v,) bang

n—-+o0o n—-+o0o

@) 2. —6. © —2. D) 6.

(e} Ha‘o‘/zﬁ f/d/z(fzfd[. Ta c6 lim(u, + v,) = limu,, + limv, =2+ (—4) = —2.
C

¢ Cau 3. Cho cap so cong (uy,,) c6 u; = —2 va uy = 2. Cong sai d ctia cap s6 cong da cho la
@) d=4. B) d=—4. © d=-1. D) d=3.
(e} Ha‘d‘% f/(f/yzfa’zf. Cong sai d =ug —u; =2 — (—2) = 4.
$> Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Mit phing nao sau
day song song v6i dudng thang C'D?
) (ABCD). (SBC). © (SDA). (D) (SAB).
&\ Huong din gidi. Vi ABCD lahinh binh hanh nen CD//AB. Ma AB C (SAB)va CD ¢ (SAB)
nén CD//(SAB).
Cac mat phang (ABCD), (SBC), (SDA) déu chita CD hodc cit C'D nén khong thoa.
$® Cau 5. Phuong trinh sinz = 0 ¢6 nghiém la

@{E+k7r, kJEZ}. ®) {kn, k € Z}.

@R.2 @{g—!—kZW, keZ}.

() H“"% f/(z?/ifzfa’zf. Tacosine =0« x = knm, k€.
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¢ Cau 6. Cho hinh chop S.ABCD c¢6 ddy ABCD (nhu hinh vé).

Giao tuyén cta (SAC) va (SAD) 1a
@) SC. SD. ©) SA. (D) SB.

o Hw)‘?j a/(E/z(fz'd,zf, Hai mat phang (SAC) va (SAD) c¢6 hai diém chung phan bigt 1a S va A,

Vay (SAC)N (SAD) = SA.
& Cau 7. Cho ti dien ABC'D. Phét biéu nao sau day ding?

(A) AD va BC' chéo nhau.

AD va BC song song.

(©) AD va BC cat nhau.

(D) C6 mat phang chita AD va BC.
[ Hmﬂ(y Ja“/ﬁf{dz} Trong tt dien ABCD, hai canh déi dien AD va BC khong cung nam trong
mot mit phang nao. Do d6 AD va BC chéo nhau.
$> Cau 8. Cho hinh hop ABCD.A,B,C,D;. Mt phang (AA;D;) song song v6i mit phang nio
sau day?

@ (BCA,). (A4,C10). © (BOCY). ©® (ACB)).
[ chw(/c (/(2)27[(2[, Mit phang (AA;D;) chinh la mat phang (ADD;A;). Trong hinh hop, hai
mat do6i dién song song v6i nhau nén (ADDA,)//(BCC,By), tic 1a (AA;D,)//(BCCY).
¢ Cau 9. Cho hai ham s6 f(x) va g(r) thod man lim f(x) =a > 0 va lim g(z) = —oo. Gia tri

T—T0 Tr—x0

ciia lim [f(x) - g(z)] bang

T—T0

@) 1. 0. © +o0. (D) —oo.

o Hmféz/c z/(?ﬂ(jz’dzﬁ Vi lim f(z) =a>0va lim g(x) = —oo nén lim [f(z) - g(x)] = —o0.

T—T0

¢ Cau 10. Tap gid tri clia ham s6 y = sinz 1a

@ (=1;1). R. © [-1;1]. ® R\ {-1;1}.
[} /-[uz)‘y a,/(‘z‘”n, /. Tac6 —1 < sinz <1 v6i moi x nén tap gia tri ctia ham s6 la [—1;1].
Py £ 2 2 . 2 " S
$© Cau 11. Két qua cua  lim (g) bang

n—-+00

D) +oo.

Wl o

@) 0. B) —oc. ©
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(&) Ha’d’zz; f/é/éj[éd, Vi 5‘ < 1mnén lim (—) =0.

n—-+o0o 3

¢ Cau 12. Chieu cao (don vi: em) ctia hoc sinh 16p 11A duge cho trong bang sau:
Chidu cao (cm) | [145;150) | [150; 155) | [155: 160) | [160; 165) | [165;170) | [170; 175)
S6 hoc sinh 2 5 12 11 6 4

Tim chiéu cao trung binh ctia hoc sinh 16p 11A 1a

@) 162,75. 162,35. ©) 163,5. ®) 160,75.

[ Hav/n(/c c/(‘zf‘,/zyzf(z’,[,, Gia tri dai dién ctia cac nhém la 147,5; 152,5; 157,5; 162,5; 167,5; 172,5.
C
Comaun=2+5+12+ 11+ 6 + 4 = 40.

Chiéu cao trung binh 13
147,524+ 152,5-5+ 157,512+ 162,5- 11 +167,5-6 + 1725-4 6430
40 S 40
Phan II. Trac nghiém ditng sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh chép S.ABCD cé day la hinh binh hanh tam O. Goi M la trung diém cta
SC. Goi I la giao diém ctia dudng thing AM va mat phang (SBD). Khi dé:
IA
= =3
) T
b) Goi N la mot diém tity ¥ trén canh AB. Khi d6 giao diém ctia duong thing MN va mit
phang (SBD) la diém thudc giao tuyén ctia hai mat phang (SBD), (SNC).
c) AMNSO =1.

d) Giao diém E ctia duong thang SD va mit phang (ABM) la diém thuoc dudng thang BI.

= 160,75 (cm).

T =

[} Ham‘y a/é/z(ﬂg?éi. - Xét tam giac SAC ¢6 SO va AM la hai duong trung tuyén (vi O la tam

hinh binh hanh nén O la trung diém AC, M la trung diém SC). Do d6 I = AM N SO la trong

tam tam giac SAC.

IA ~ o : .
adiivin 2. Vay khang dinh a) sai.

- Vil e SO va SO C (SBD) nén I la giao diém ctia AM va (SBD). Khang dinh ¢) ding.

- Diém N € AB = N € (SNCO) (vi S,C,N tao thanh mot mit phang). Vi M € SC nén
M € (SNC). Suy ra duong thang MN C (SNC). Do d6 giao diém ctia M N va (SBD) phai thuoc
giao tuyén ctia (SNC) va (SBD). Khang dinh b) ding.

- Trong mit phang (SBD), dudng thang BI cat SD tai E. Vi BI C (ABM) (do B,I € (ABM))
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nén E chinh 14 giao diem ctia SD va (ABM). Khang dinh d) ding.
. 2% — 2
& Bai 2. Cho ham s6 f(z) = =% 222

a) lim f(x) = f(2).

r—2

b) lim f(z) = ;

r—2

T — 2

c) Ham s6 f(x) lien tuc trén céc khodng (—o0;2) va (2; +00).

_3 ) .
d) lim % - % véi a,b € Z: % t6i gian. Gia tri ciia a + b® + 1 bing 170.
) PO a9 . . (2x — 1)(x —2)
[ Hzmy a,/(uymz/. Ta 6 20°—br+2 = (2x—1)(z—2) nén véi x # 2 thi f(z) = > =

2 — 1.

a) Sai. Ham s6 khong xac dinh tai 2 = 2 nén khong ton tai f(2). Do d6 khong thé co
hII% f(z) = f(2) (thyc té lir% flz) = lir%(2a; —1) =3).
z— T— T—

. e B 3
b) Sai. glcl_%f(:v) = glcl_%(Zx —1)=34# 3

¢) Ding. Tap xac dinh ctia ham s6 14 2 = R\ {2} = (—00;2) U (2;+00). Ham s6 1a ham
phan thic hitu ti nén lién tuc trén timg khoang cua tap xac dinh, tic la lién tuc trén (—oo;2) va
(2; 400).

d) Diang. Véiz #2tacod f(r) —3=20—-1—-3=2(x—2) va

(bx —1)—9 5(z — 2)
Vbhr—1-3= = )
vor—1+3 +br—1+3

flz) -3 . 20-2) (Voo —1+3)  2(vor—1+3) 2.6 12

)
lim ———— = )
L 12
Vay a =12, b =5 (phan sb 5 toi gidn), do d6 a® +b* + 1 = 144 + 25 + 1 = 170.

Suy ra

Phan III. Cau tra 16i ngan Thi sinh trd 10 to cau 1 dén cau 4

& Bai 1. Biét két qua ciia lim (7x — /4927 = 20252+ 8) = 7 véi a,b € Z, b 0 va 7 la phan
T—r+00

s6 toi gian. Khi d6 a — 1000 bang bao nhieu?

[} /z{u‘o/‘égj a,/r‘z‘wn,/ e, Ta co

4922 — (492 — 2025z + 8)

lim (7:1: _ V1922 —20%z + 8) — lim

. 2025x — 8
= lim
e—too Ty 4 /4922 — 2025z + 8
8
=, ST
T—r+00
7+ \/49 - — + —
T x

2025
Vi 2025 = 3*-5%2 va 14 = 2 - 7 nén tol gian. Suy ra a = 2025, b = 14.

Vay a — 1000 = 2025 — 1400 = 625.
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& Bai 2. Cho hinh chép S.ABCD
c¢6 day ABCD la hinh binh hanh.
Goi G la trong tam tam giac SAD,
M la trung diém cta SB. Duong
thang GM cat mat phang (ABCD)

tai 1. Tinh ti s

GI~

| . 2
o8 Veeong (/(;,z(,fzd,; Goi N la trung diém AD. Khi d6 G € SN va SG = 2SN

ViGe SN, M € SBnén GM C (SBN). Ma (SBN)N(ABCD) = BN val=GMN(ABCD)
nén I € BN.

Ap dung dinh 1i Menelaus cho tam giac SBN v6i ba diém théng hang M, G, I:
MS IB GN_1:>1]B 1_1:>IB_
MB IN GS IN 2 IN

Vi I nam ngoai doan BN nén N la trung diém cta BI.

2.

Trong tam gidc SBI: SN la trung tuyén (vi N la trung diém BI), IM la trung tuyén (vi M
la trung diém SB). Hai trung tuyén nay cit nhau tai G nén G la trong tam tam gidc SBI.
GM 1

I =2GM, tic la —— = —.
Suy ra G GM, CaGI 5

& Bai 3. Cho hinh vuong ABCD c6 canh bang a; va cé dién A D, D
tich S;. Néi 4 trung diém A;, By, Cy, Dy theo thit tu ciia 4 canh
AB,BC,CD, DA ta dugc hinh vuong thi hai c6 dién tich Sy. Tiép D, Cs
tuc lam nhu thé, ta dudgc hinh vuong tht ba Ay ByCyDy c6 dién
tich Ss, ... va cit tiép tuc lam nhu thé. Gid st qua trinh trén kéo Ay C1
dai vo han. Tinh tdng dién tich cac hinh vuong dudc tao thanh

néu a; = 4 cm. A, By

B By C
(&) Ha’oy c/rz’/ijz'(z’,z'. Hinh vuong thi nhat c6 canh a; = 4 nén S; = 16.

Goi a, 1a canh ctia hinh vuong tht n. Hinh vuong thit n + 1 ¢6 canh bang duong chéo ctia hinh

n n 2 P2
vuong c6 canh %, tic la apyq = a4 2\/_ Do do
a? 1
Spi1 == ==5,.
T T
Z P 1 2
Day (5,) la cap s6 nhan lui v6 han véi S; = 16, cong boi g = 7 Tong dién tich céc hinh vuong
la
S 16
S:S1+SQ+53+"': ! = :32(01112).
1—¢q 1— 1
2

Phan IV. Ty luan
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& Bai 1. Tinh cac giéi han sau.

) . 1 — 422
a) lim — M.
o—1 622 — 5 +1

. Va2 +2x + 3x
b) lim

w00 \/4g? +1 -2+ 3
o Hu()éy diin gici. a) Taco1—4x? = (1—2z)(1+2x) va 622 -5z +1 = (22— 1)(3z —1). Do d6

, 1 — 422 . (1=20)1422) . —(1+422)
lim ——— = lim = lim ————*
el 622 =5 +1 51 (22 —-1)Bx—1) -1 3z-1

—2
=T -4
2

N =

2 1 ~
b) Véi z < 0 ta co Va2 +2r = —zy /14 — va V4z? + 1 = —z4/4 + —. Chia cd tit va mau cho
x x

X

2
. Va?i+2r+3r . _\/1+E+3 -1+3 2

m = lim = = ,
z——00 /42 + 1 —x +3 T——00 1 3 —2-1 3
— 4+13_1+5

& Bai 2. Cho hinh chép S.ABCD c6 diy ABCD 1a hinh binh hanh. Goi E, F, H 1an lugt 1a trung
diém ctia cac canh SA, CD va SB.

a) Tim giao tuyén ctia hai mat phang (SAC) va (SBF).
b) Chiing minh dudng thang £ H song song véi mat phang (SCD).

¢) Goi G la giao diém ctia dusng thang SD va mat phang (BEF). Goi S, S, lan lugt 1a dien

, .9
tich tam gidc SEG va dién tich tam giac SAD. Tinh ti s S_l
2

e /lucong a/afndmf(z(; a) Ta ¢6 S la diém chung ctia (SAC) va (SBF).

Goi K = AC N BF (trong mit phang (ABCD)). Khi d6 K € AC C (SAC) va K € BF C
(SBF), nén K la diém chung thit hai.

Vay giao tuyén ciia (SAC) va (SBF) la duong thang SK.

b) Trong tam gidc SAB, E, H lan lugt 1a trung diém ctia SA, SB nén EH 1 dudng trung binh,
suy ra EH // AB.

Vi ABCD 1a hinh binh hanh nén AB//CD. Do d6 EH //CD.
Ma CD C (SCD) va EH ¢ (SCD) nén EH //(SCD).
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

c¢) Trong mat phang (ABCD), goi P = BF N AD. Vi F la trung diém C'D va BC// DP nén
AFDP = AFCB, suy ra DP = CB = AD. Do dé D la trung diém ctia AP.

Ta c6 P € AD C (SAD) va P € BF C (BEF); mat khac F € (SAD) N (BEF) nén
(SAD)N (BEF) = EP.

Trong mat phang (SAD), goi G = EPN SD. Khi d6 G = SD N (BEF).

Trong tam gidc SAP: SD la trung tuyén (vi D la trung diém AP), PE la trung tuyén (vi B
1a trung diém SA). Do d6 G la trong tam tam gidac SAP, suy ra 5¢ _2

SD 3
Tac()ﬁ—SSEG—S_E %_1
SQ_SSAD—SA SD_2

& Bai 3. Cho ham s6 f(x) ¢6 do thi la (C) xac dinh trén [—5; 6] bdi cong thiic

311
fx) =4 /13=(x—2)2 khi —1<z<4
3 khi 4 < 2 < 6.

Mot con kién bo tit diém A c6 hoanh do bing —5 v né chi di chuyén trén (C). Goi B € (O) la
diém c6 hoanh do 16n nhat ma con kién c6 thé t6i dude, con kién sé dimg lai néu duong di bi gidn
doan. Tinh quang dudng kién di chuyén tit A dén B (lam tron két qua dén hang phan mudi).

ON MHuono din oidi,
()(7 @ Ic I

4 6 <

A(—=5;—1)
Ta xét tinh lien tuc clia ham s6 trén [—5; 6].

Trén moi khoang (—5; —1), (—1;4), (4;6) ham s6 lién tuc (ham da thitc, ham cén thic va ham
hing).
3 11

& Tai x = —1: lir_rii flz) = Z(_1)+Z =2va f(—-1)=+13-9=2= lil_rhf(x).
S Tailx=4: f(4) =v13—-4=3= hril— flz) = lir£1+f(:v).

Vay ham s6 liéen tuc trén [—5;6], do thi khong bi gian doan nén con kién di duge dén diém c6
hoanh d6 z = 6. Do d6 A(—5;—1) va B(6;3).
Quang duong kién di gom ba doan:
¢ Doan thang tit A(=5; —1) dén M(—1;2): AM = /42 + 32 = 5.
& Cung tron ctia dudng tron tam 1(2;0), ban kinh R = /13 (nta trén) tit M (—1;2) dén N(4; 3).
Ta c6 IM = (—3;2), IN = (2;3) nén IM - IN = =6+ 6 = 0, suy ra MIN = 90°. Do dai
cung MN 1a g - V/13 ~ 5,66.
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< Doan thang tit N(4;3) dén B(6;3): NB = 2.
Vay quang duong kién di 1a

13
54+ 1 2R 12,66~ 127,
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DPE SO 9 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

¢ Cau 1. Cho ham s6 y = f(x) lién tuc tai z =1 va lin} f(x) =2026. Gia tri ctia f(1) bang
r—r

@A) 2025. 1. (©) 2026. (D) 2024.

(@) /z{azfn(j din gici. Vi ham s f(z) lien tuc tai z = 1 nén f(1) = lirr% f(z) = 2026.
C T—

> Cau 2. Xét cac khang dinh sau:

(I) Phép chiéu song song bién ba diém thang hang thanh ba diém thang hang va khong lam thay
doi thi tu ba diém do.

(IT) Phép chiéu song song bién hai dudng thang bat ki thanh hai dudng thang song song hoic tring
nhau.

(IIT) Phép chiéu song song bién duong thang thanh dudng thing.

(IV) Phép chiéu song song giit nguyén ti s6 do dai cia hai doan thing cing nim trén mot duong
thang hodc nim trén hai duong thing song song.

Trong cac khang dinh trén, s6 khing dinh ding la

@) 4. 3. © 2. DO 1.
(2} Had?ﬁ c/(?/éj[(éz',, (I) Ding.

(IT) Sai, vi chi hai dudsng thang song song mdi bién thanh hai duong thang song song hodc
triing nhau; hai duong théng bat ki ¢ thé bién thanh hai duong thang cit nhau.

(IIT) Sai, vi duong thang song song v6i phuong chiéu bi bién thanh mot diém.

(IV) Ding.

Vay c6 2 khang dinh ding.

> Cau 3. Théng ke diém trung binh mon Toan ctia 31 ban hoc sinh 16p 11B dugce cho trong bang
sau:

Diem | [2;3,5) | [3,5;5) | [5;6,5) | [6,5;8) | [8;9,5)
S6 hoc sinh 1 1 10 15 4

Trung vi clia mau s6 lieu ghép nhém trén thudoc nhom

@ [3,5;5). ® [5:6,5). © [8:95). @ [6,58).
o Hocong c/(z,ijz(zzz (5 mAu n = 31, nén trung vi la gia tri thi 16.

Tan s6 tich lfiy ctia cAc nhom lan lugt 1a 1; 2; 12; 27; 31.

Vi 12 < 16 < 27 nén trung vi thudc nhém [6,5; 8).
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$& Cau 4. Cho hinh chép S.ABCD c¢6 day la hinh binh hanh.
Goi M, N lan lugt 1a trung diém ctia SA, SB (tham khao hinh
vE).
Duong thing nao dudi day song song v6i mit phing
(CMN)?

@) OD. ®) CM. (© MN. (D) AB.

[ Hwoiy Ja?ztfz'dz'. MN 1la dudng trung binh ctia tam giac SAB nén M N //AB. Ma AB//CD
nén MN //CD. Do d6 CD C (CMN), titc (CMN) chinh 1a mét phang (MNCD).

Cac duong CD, CM, MN déu nam trong mit phang (CMN).

Puong AB//MN, MN c (CMN) va AB ¢ (CMN) nén AB//(CMN).

¢S Cau 5. Cho hinh lang tru tam gidc ABC.A’B’'C’ (tham khéo A C’
hinh vé&). Hinh chiéu song song ctia diém A’ trén mit phang (ABC)
theo phuong C'C’ la

(A) diém A’ diém C. © diém A. (D) diém B.

B

[ Hmffy a/ffzi/cz'(z"zi. Vi AA'//CC" (hai canh bén ctia lang tru) va A € (ABC') nén hinh chiéu song
song ctia A’ trén (ABC) theo phuong CC” 1a diém A.
> Cau 6. Cho hinh hop ABCD.A’B'C'D’. Khang dinh nao dudi day sai?
@ Cac mit bén ctua hinh hop da cho 1a hinh binh hanh.
Day ctia hinh hop da cho la hinh ch@ nhat.
(©) Céc canh bén ctia hinh hop da cho bing nhau.
(D) Cac canh bén ciia hinh hop da cho song song véi nhau.
X lwon zz/(E/ijzfcézf, Hinh hop c6 tat ca cac mat 1a hinh binh hanh, cic canh bén song song va

C
bang nhau. Day ctia hinh hop chi 1a hinh binh hanh, chua chac 1a hinh chit nhat.

Vay khéng dinh sai 1a “Day ctia hinh hop da cho 1a hinh chit nhat”.
¢ Cau 7. Ta noéi day s6 (u,) 6 gi6i han 1a s6 thyc a khi n dan t6i duong vo cie, néu

@) lim (u, +a)=0. lim w, =0.

n—-+00 n—-+00
nl_l)I_"I_looa = 0. D) nl_l)I_"I_loo(un —a)=0.
O ucong dién giéi. Theo dinh nghia, lim wu, = a khi va chi khi lim (u, — a) = 0.
) C n—-+o0o n—+o0o
g(t) = 9(7)

¢ Cau 8. Cho g(t) = t*. Gidi han lln% bang

t—7

@) 7. 49. © 98. (D) 14.
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s TRt g(t)—g(7)__ t2—49_. _
(2} Huoégﬁ c/(z/éjmzz,, 1&[71? = llﬁr\r% T = 1%(25 +7) = 14.

> Cau 9. Dé chuan bi cho gian hang tai Hoi chg Xuan Binh Ngo 2026 ctia mot truong THPT,

nhom hoc sinh ciia 16p 11A da tién hanh khao sat 120 hoc sinh vé nhu cau mua san pham & mic

gia nao va thu duge két qua sau:

Mrtic gia (nghin dong) | [10;30) | [30;50) | [50;70) | [70;90) | [90;110)
S6 hoc sinh 15 28 42 25 10

M6t ctia mau so lieu ghép nhém trén (lam tron két qua dén hang don vi) la

@A) 42. 61. © 30. (D) 59.
(e} Hu‘o/‘zy f/(z‘}ijzfézf. Nhom ¢6 tan s6 16n nhat 1a [50; 70) (tan s6 42), nhém diing trude ¢6 tan s6
28, nhom ding sau c6 tan sb 25.
M6t ctia mau so lieu 1a
42 — 28

14
M, =50 -20 =50+ — - 20 = 59.
T2y + (42— 25) T3

¢ Cau 10. Ham s6 nao sau day lien tuc trén R?
1
@A) y = cot . ® y=—. © y =2 (D) y = tanz.
x

[ Hav‘aj z/rE/z(fzjd,zf, Ham da thic y = 22 lién tuc trén R.

1 L oan
Cac ham y = cot x, y = —, y = tanx khong xac dinh tai mot so diem ctia R nén khong lién tuc
x
trén R.
¢S Céu 11. Cho hinh hop ABCD.A'B'C'D’ (tham khéo hinh A’
VE). D’
Mit phang (ABA’) song song v6i mat phang B
@) (cc'D). (BB'A"). (© (AAC"). (D) (ADD').

B

(e} Haﬁo‘y c/(z?/z(jzf(z’,z'. Mit phéng (ABA’) chinh 1a mit phang (ABB'A’).

Trong hinh hop, hai m&t d6i dién song song v6i nhau. Mt doi dien véi (ABB'A’) 1a (DCC'D'),
ciing chinh 1a mit phang (CC'D’).

Céac mat phang (BB'A’) tring v6i (ABA'); (AA'C") va (ADD') cit (ABA') theo giao tuyén
AA
$> Cau 12. Cho hai dudng thang b khong nam trong mit phang (P), a ndm trong (P) va b song
song véi dudng thing a. Khang dinh nao dudi day ding?

(A) b song song véi (P). b cat (P).

(© b nam trong (P). (D) a song song véi (P).
e luong (/(z,z(y,fd,,:, Tac6b//a, a C (P)vab¢ (P)nenb//(P).
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Phan II. Trac nghiém ding sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai
& Bai 1. Mot chiéc bé c6 dang hinh hop chit nhat, chiéu cao BB’ = 3 m. Bac Ha diit mot thanh
gd M N = 4 m vao trong bé sao cho mot dau M ctia thanh g dya vao mép ciia nip bé (A’'B'C'D’),
dau con lai N nim trén day bé (ABCD) (xem hinh vé). Sau d6 bac Ha riit thanh gb ra ngoai va
do duge do dai ctia phan thanh gd bi ngam trong nuée 1a EN = 1,5 m.

D/
o1

BB =3.0m

A

a) AB khong song song v6i mat phang (CC'D'D).
b) A’B’ song song véi mat phang (ABCD).
¢) Chiéu cao myc nude trong bé 1a TB = 2 m.
d) Mat phang (A’B'C'D') song song v6i mit phang (ABCD).
o Voong f/zg,ifzyzz; a) Sai. Vi ABCD la hinh chit nhat nén AB//CD. Ma CD C (CC'D'D) va
AB ¢ (CC'D'D) nén AB//(CC'D'D).
b) Dang. Vi A’B'C'D'.ABCD la hinh hop chit nhat nén A'B’// AB. Ma AB C (ABCD) va
A'B' ¢ (ABCD) nén A'B'//(ABCD).
c¢) Sai. Goi H 1a hinh chiéu vuong goc ciia M trén (ABCD) tht MH = BB’ =3 m. Goi T la
hinh chiéu vuong goc ctia E tren (ABCD), khi d6 ET//M H va ET chinh 1a chiéu cao myc nude.

Trong tam giac NM H, theo dinh 1i Thales:
ET NE 15 1,5
I e S ET = =22
MH NM_ 4 1
Vay chiéu cao muc nuée 1a 1,125 m, khong phai 2 m.

.3 =1,125 (m).

d) Diing. Hai mit ddy ctia hinh hop chit nhat nim trong hai mit phing song song, tic 1a
(AB'C'D")//(ABCD).

; 2\" 2n? — 2 2
& Bai 2. Cho hai day 6 u, = 2026 — (2] vav, = 2 —"+=2
3 n+1
a) lim wu, = 2026.
n—-+o0o
b) Cho sb thyc b théa man lim (v, —2n + b) = 0. Gi4 tri ctia b*> — b bang 20.

n—-+oo

n—-+oo

)
)
¢) lim (un + v,) = 2027,
d)

lim v, = 2.
n—+oo

2 2\"
[ /‘[mfnﬁ c/('z‘xfijzf(ézf. a) Ding. Vi0 < 3 < 1nén lim <—> = 0.

n—-+00
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Do d6 lim wu, = 2026 — 0 = 2026.

n——+oo
b) Sai. Ta c6
om:—2n+2—2 1) —4n+2 442
vy, — 2n = o nt nin + ): nt = lim (v, —2n) = lim no— 4,

n+1 n+1 n—r—400 n—+00 1—{—%

Do dé lim (v, —2n+0b) = —4+b=0, suy ra b = 4.

n——+00
Khi d6 b*> —b =16 — 4 = 12 # 20.
. ) o 2m =242 ,
c) Sai. Tacé lim v, = lim —= =+4oco0va lim wu, = 2026.

n——400 n—s+too 141 n—+o00
n

Do d6 lim (u, + v,) = 400 # 2027.

n—-+o0o

d) Sai. Theo cau c), lirf Uy, = +00.
n—-+0oo

Phan III. Cau tra 16i ngan Thi sinh trd l0i tu cau 1 dén cau 4

& Bai 1. Mot bénh nhan hang ngay uéng mot vien thuée 100 mg. Sau ngay dau, trude moi lan
uéng thube, ham lugng thude cit trong co thé van con 5%. Tuy nhien, ké tit ngay thtt 11 tré di, do
kha ning dao thai clia co thé thay doi nén truée mdi lan udng thude, ham lugng thube cit trong co
thé chi con 2%. Udc tinh lugng thube trong co thé bénh nhan st dung thudc trong mot thoi gian
dai.

[ Hucw(/f (/(z“/zdm'dz'. Goi u, (mg) 1a lugng thude trong co thé ngay sau lan udéng & ngay thit n.
Khi d6 uy = 100 va

& voi 2 <n <10: u, = 100 + 0,051,_1;
& véin > 11: u, = 100 + 0,02u,,_1.

V6i n > 11, ta c¢6

100 100
U, — —— = 0,02 (Un—1 — ) .

0,98 0,98
5000 . 5000
Do do (un — E) la cap s6 nhan vé6i cong boi 0,02, nén u,, — T — 0 khi n — 4o00.

Cach khac: dat L = lir}rq Uy, 1wy = 100 + 0,021, 1 suy ra

n—-+oo

100 5000
L=100+0,02L = L=—=——=102,04.
+9 0,98 49 ’

Vay khi st dung thubc trong thoi gian dai, lugng thude trong co thé (ngay sau khi uéng) xap
xi 102,04 mg.

& Bai 2. Lop 11A c6 40 hoc sinh tra 15i 30 cau hoi trong mot bai kiém tra. Két qua duge théng

ké theo bang sau:

S6 cau tra 1oi dang | [5;10) | [10;15) | [15;20) | [20;25) | [25;30)
S6 hoc sinh 4 m 8 n 4

Trong d6 m,n lan lugt 1a s6 hoc sinh ctia nhom [10; 15) va [20;25). Biét ti phan vi thit nhét cta

mau s6 lieu ghép nhém trén 1a Q = 5 Tinh gia tri cia m + 2n.

[ Hao‘/z(/f f/ffﬂ(jzfa’zf. Vi ¢6 40 hoc sinh nén 4 +m + 8 +n + 4 = 40, suy ra m + n = 24.
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. N <
Cé mau N = 40, 1= 10. Tan s6 tich lay ctia nhom [5;10) 1a 4, ctia nhom [10;15) 1a 4 +m. Vi
35
Q= 5 = 17,5 € [15;20) nén nhém chita Qq 1a [15;20), v6i4+m < 10 < 4+ m + 8.
Ap dung cong thic:
10 — (4 +m) 35 6—m 5
Suy ran =24 —2 =22,

Q1:15+

Vay m +2n =2 + 2 - 22 = 46.
& Bai 3. Mot van dong vien ¢6 chiéu cao 1m75 thye hién ném ta véi van téc ban dau vy = 30m/s.
Dat thanh tich 15m. Goi « 1a goéc ném ctia van dong vien hop véi mét dat (tham khéo hinh vé).
Coi gia téc trong trudng g = 10m/s”. Tinh gid tri cla | cos 20,

N Hoono din oici. Qui dao cia ta khi ném xien 1a mot phan ctia do thi ham s y = —ZL:U%L
/Aty 2v7 - cos? a
tana -z + yo.

Thanh tich ctia van dong vién dat dugce la gia tri ctia hoanh do xy sao cho y(zg) = 0.
10

o . 2 _

Khi d(it;;co —mlfs +tana15+1,75—0
e +15tana + 1,75 =0 & —1,25(tan’a + 1) + 15tana + 1,75 = 0
COS* (v

30 +v910

tana = (TM)
& —125tana + 15tana 4+ 0,5 = 0 < b
30 — /910
tan o = T (L)
2
Ta c6 cos2 = 2cos’a — 1 = —5—— —
tan“a + 1

Véi tan o = suy ra | cos 2a| = 0,99.

30 +v910
)

Phan IV. Ty luan
222 — 7x — 15

& Bai 1. Cho ham 6 f(z) = r—5
-3 khi z = 5.

khix #5 . . .
Xét tinh lién tuc ctia ham s6 f(z) tai

1'0:5.
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e ucong c/@yz(zzz Ham s6 xac dinh tai 2o = 5 va f(5) = —3.
Ta c6 222 — 7x — 15 = (z — 5)(2z + 3) nén
liny /() = lim, (x=9)Cr+3) 00 +3) =13

r—5 x—5 r—b
Vi liHé f(x) =13 # —3 = f(5) nén ham s6 f(x) khong lién tuc tai xo = 5.
T—r

& Bai 2. Cho hinh chép S.ABCD c6 ddy ABCD 13 hinh binh hanh tam O. Goi M, N lan lugt 1a
trung diém ctia SA va AD.

a) Tim giao tuyén ctia hai mat phang (SAC) va (SBD).
b) Chiing minh ring: dusng thing SC song song véi mit phiang (OMN).

(e} Hmfy c/rz’/ifz'd,z'. a) Ta c6 S la diém chung thit nhat ctia (SAC) va (SBD).

ViO = ACNBD nén O € AC C (SAC) va O € BD C (SBD), do d6 O la diém chung thtt
hai.

Vay (SAC)N (SBD) = SO.

b) Vi ABCD la hinh binh hanh tam O nén O 1 trung diém ciia AC.

Trong tam gidac SAC, M 1a trung diém SA, O la trung diém AC nén OM la duong trung binh,
suy ra OM //SC.

Ma OM C (OMN) va SC ¢ (OMN) nén SC//(OMN).

& Bai 3. Cho tam gidc déu A, B, C; noi tiép duong tron tam O ban kinh 13 R = 6 cm. Nguoi ta vé
duong tron noi tiép tam giac A, B;C 16i dung tam giac deu A, B,Cy. Tiép theo nguoi ta vé duong
tron noi tiép tam giac Ay ByCy roi dung tam gidc deu A3 BsCs. Cit tiép tuc qua trinh nhu vay. Goi
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Sl, SQ, 53, ey Sn, ...lan lugt 1a dién tich cac tam gléC deéu AlBlCl, A2B2027 A3BgCg, RN AanCn, .
Ay

Tinh tong dién tich S = S; + Sy + S5+ ...+ S, + . ..
[} Haa/y din (717(21'. Tam gidc déu A, B;C; noi tiép duong tron ban kinh R = 6 nén canh
A B; = R\/3 = 6v/3. Do dé

(6v3) V3 108v3 _ 27V3

S, =
! 4 4

(cm?).

Véi tam giac déu, ban kinh duong tron noi tiép bang mot nita ban kinh duong tron ngoai tiép.

Duong tron noi tiép tam giac A;B,C; c¢6 ban kinh 3 va d6 ciing 1a duong tron ngoai tiép tam

. 1
gidc Ay ByCy. Vay tam giac Ay ByCy ¢6 canh bang 3 canh tam giac A, BC}.

) .. U | ) . : s :
Tuong tu, canh ctia moéi tam giac bang 5 canh cla tam giac trudc né, nén dién tich giam di 4

X

lan:

1
Sn—i—l = Z‘Sn

. 1
Day (S,) 1a cap s6 nhan li1i vo han véi S; = 27/3, cong boi ¢ = 7 Suy ra

2
gL 7\?:36\@(@112).
1—gq 12
4

» Swwe targ va Bién soan: Lé /’Zz‘}z/{ K/{a~03ﬁ9653362

135



Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 10 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
Uzo = 8uyy

. Chon khang dinh diing?
Uy + us = 272

$» Cau 1. Cho cap sb6 nhan (u,) thoa man {

@q:—2. ®) q= —4. © q=4. @qu.
() /‘[uo;czﬁ c/(Z/z,pzf(z"zi. T U9 = 8ui7 suy ra u1q' = 8ui¢', nén ¢ =8, do d6 q = 2.
C
(Kiém tra: u; + us = uy (1 + 2%) = 17u; = 272 = u; = 16, théa man.)

¢S Cau 2. Doanh thu béan hang trong 20 ngay duge lya chon ngau nhién ctia mot cira hang duge
ghi lai 6 bang sau (don vi: tricu dong):

Doanh thu | [5;7) | [7;9) | [9;11) | [11;13) | [13;15)

S6 ngay 2 7 7 3 1
Tt phan vi thit ba ctia mau s6 lieu ghép nhom bang (két qua lam tron dén hang don vi)
@) 11. 12. © 13. (D) 10.
R ~ 3
[} Ha‘d’zzy a/(é/ifz'dzf, Cd mau n = 20, Zn = 15.

Tan 6 tich ly: 2; 9; 16; 19; 20. Vi 9 < 15 < 16 nén nhém chita Q3 1a [9;11).

15-9

12
Q3 =9+ -2=9+7z10,7m11.

$> Cau 3. Cho tit dien ABCD. Goi M, N lan lugt la trung diem AB va C'D. Mat phing (o) di
qua MN, cit AD, BC lan lugt tai P va Q. Goi I 1a giao diém M P va NQ. Ba diém nao sau day
thing hang?

@) I,B,D. ® I,A,C. © I,A,B. ®) I,D,C.

O ucing a/(z,z(fzf(gz:, Tac6 I € MP md MP C (ABD) (i M € AB, P € AD) nén I € (ABD).
/ ,

Laic6 I € NQ ma NQ C (BCD) (vi Ne CD, @ € BC)nén I € (BCD).

Suy ra I thuoc giao tuyén ctia (ABD) va (BCD), d6 la duong thang BD. Vay I, B, D thang
hang.

¢ Cau 4. Tim tap xac dinh D cia ham s6 y = tan <2x — %)

@D:R\{%Jrlm,kez}. D:R\{%ﬂnLkw,keZ}.

@D:R\{%WJr%ﬂ,keZ}. @DZR\{%‘F%,%GZ}.
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(&) /Z{u‘o/‘igﬁ a,/r‘z‘”/éjzdz',, Ham s6 xac dinh khi cos <2:E — %) # 0, tic la

3 3 k
2x—%7ﬁg+kﬁ & 2x%£+kﬂ & x%%—i—%
$® Cau 5. Cho hinh 1ap phuong ABCD.A'B'C'D’; ACNBD =0, AC'NB'D' = O'. Khi dé giao
tuyén ctia hai mat phang (ACC'A’) va (AB'D') 1a dudng thang nao sau day?

@) A0. AO. © AC. ©) B'D'.

e lucong f/avyzf(zzt, Diém A la diém chung tht nhat ctia (ACC'A’) va (AB'D)).
Vi O € A'C" C (ACC'A") va O' € B'D' C (AB'D’) nén O’ 1a diém chung thit hai.
Vay giao tuyén 1a AO'.

R . =23 +1
69 Cau 6 Tim I = lim m
2 7
@ -3 3 © o. D 1.
[ /{u0/17 (‘./(E)z(,/mfa’zﬁ. Chia ca t va mau cho n?>:
/ g
7 1
94—
[—tmn w22
1
34+=4— 3
non

$> Cau 7. Cho cap sb cong (u,) c6 sd hang tong quat 1a u, = 3n + 5. Tim cong sai d clia cap s6
cong.

@) d=-2. ®) d=2. © d=3. D) d = -3.
O ucong “/f?'g/“'d"'- Ta 6 Upyy — Up = 3(n+1)+5— (3n+5) = 3. Vay d = 3.
$> Cau 8. Khéo sat thoi gian chay bo trong mot ngay clia mot nhém hoc sinh thu duge mau s6
lieu ghép nhom sau:
Thai gian (phut) | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)
S6 hoc sinh 5 9 12 10 6

Mau s6 lieu ghép nhém nay c6 mot 1
@A) 53. 59. (© 40. (D) 52.
(2} Hwoy diin gidi. Nhém c6 tan sb 16n nhat la [40; 60) (tAn s6 12), nhém ding trudc c6 tan sb
9, nhém diing sau c6 tan s6 10.
12-9 3

M, = 40 120 =40+ 2 .20 = 52.
T o9 @10 T3

$> Cau 9. Cho hinh chép S.ABCD, c6 day ABCD la hinh binh hanh tam O. Goi M, N lan lugt
Ia trung diém SA, SD. Mat phing (OM N) song song véi mit phang nao sau day?

@ (SBO). (SAB). © (SCD). ©) (ABCD).
e lucong (/[z,,.( gédc. MN 1a dudng trung binh clia tam gide SAD nén MN //AD. Ma AD// BC
nén M N //BC, véi BC C (SBC).

OM la duong trung binh ciia tam giac SAC nen OM //SC, véi SC C (SBC).
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Mit phang (OM N) chiia hai duong thang cat nhau OM, M N lan lugt song song v6i hai dudng
thang SC, BC' cit nhau ctia (SBC) nén (OMN)//(SBC).
> Cau 10. Trong mit phing toa do Owxy, trén dudsng tron ludng giac goi diém M la diém bicu
dién ctia goc a = G Lay diém N déi xiing v6i M qua gbc toa do. Héi N 1a diém biéu dién ctia goc
c6 s6 do bang bao nhiéu?
T T T oT
[ /—[a'o‘g a/(z/é/mm Hai diém d6i xitng nhau qua gdc toa do thi sé do cac géc tuong ting hon kém
T

nhau 7 (cong thém k27). Vay N biéu dién goc g +7= 5

2 —5xr+6
x2—4

1 1
X wong din giél.
HL[O/(Z? (/(21271(21

$® Cau 11. Tinh gi6i han I = lin%
T—

I:hm(x—Z)(x—S) _ im:c—3: -1
22 (x —2)(x+2) =2-2z+42 4

1
1
> Cau 12. Trong khong gian cho hai duong thang song song a va b. C6 bao nhiéu mat phang
chtta a va song song véi b7
@ Hai miit phang. Mot mat phéng.
(©) Vb s6 mat phéng. (D) Khong c6 mit phang nio.
[ Hm)‘g a,/(z‘”/ifz‘(ézl Moi mat phang chita @ ma khong chita b déu song song v6i b (vi b//a nén b
khong c6 diém chung véi mit phang d6). C6 vo s6 mat phang chita a, chi trit mat phang (a, b).
Vay c¢6 vo s6 mit phang théa man.
Phan II. Tric nghiém dang sai Thi sinh trd 10i tu cau 1 dén ciu 2 moi i a) b) c¢) d) thi
sinh chon ding hodc sai
& Bai 1. Phuong trinh chuyén dong ciia mot vat duge xac dinh bsi ham s6 y = f(r) = 22+ 72 +4,
trong d6 f(x) 1a quang duong (mét) vat di duge trong thoi gian x (gidy). Gia tri lim M

T—xo r — I
dugc goi 1a van toc tiic thai (m/s) clia chuyén dong tai thai diem .

a) lim \/f(2) =T

b) lim f(x)=-2.

z—(—1)"

¢) Van toc tiic thoi ctia chuyén dong tai thoi diém xg = 5 (giay) 1a 16 m/s.

d) lim /(@)

T——00 l’2

=1.
e uong c/é‘,ifzaﬁz. a) Sai. lim f(r) =25+ 35 +4 = 64 nén lim \/f(z) = V61 =8 # 7.
T— T—

b) Ding. Ham da thic lién tuc nén l%m) flx)=f(-1)=1-T7T+4=-2.
z—(—1)"

c¢) Sai. Ta c6
— 2 4 — 64 — 12
li L&) = SO) gy ok TeA=64 @512 1) =17

T—5 xr—9> T—5 xr—0> T—5 xr—05 T—5
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Vay van toc tiic thoi tai 2o = 5 14 17 m/s, khong phai 16 m/s.
d) Ding.

2 4 4
lim ﬂ: lim (1—|—z+—2>:1.
T T

T——00 2 T——00

& Bai 2. Nam 2023, mot cong ty thai ra 125 tan rac. V6i quyét tam gép phan gidm thicu si 6
nhiém moi trudng, cong ty quyét dinh ké tit nam 2024, mdi nam phai giam 5% lugng rac thai so
véi nam truée d6. Lay moc thoi gian tinh tit nam 2023 (ttc 1a nam 2023 duge tinh 13 nam thi
nhat), goi 7, (v6i n € N*) la s tan rac thai clia cong ty trong nam thi n.

a) SO tan rac thai ctia cong ty trong nam 2024 1a 118,75.

b) Day s6 (T;,) 1a mot cap s6 nhan c6 Ty = 125 va cong boi ¢ = 0,05.
¢) Cong thitc 6 hang tong quat ctia day s6 (T,,) 1a T,, = 125 - (0,95)"~1, véi n € N*.

)

d) Néu diéu nay duge thyc hién thanh cong thi wdc tinh trong nam 2038 khoi luong rac thai

ctia cong ty sé giam di duge 50% so v6i nam 2023.

[} Hw)/?f c/af/iizfrézf. Méi nam luong rac bang 95% lugng rac nam trude, nén T, = 0,957,,. Do
d6 (T),) 1a cap s6 nhan véi T} = 125 va cong boi ¢ = 0,95.

a) Dang. T, = 125 - 0,95 = 118,75.

b) Sai. Cong bai la ¢ = 0,95, khong phai 0,05.

c) Diung. T, =Ty - ¢" ' =125 (0,95)" 1.

d) Sai. Nam 2038 1a nam thti n = 2038 — 2023 + 1 = 16. Ta ¢6

Tie = 125-(0,95)"° ~ 57,9 (tan).

125 — 57,9
Lugng rac gidm so véi nam 2023 1a T’ ~ 53,7% # 50%.

Phan III. Cau tra 16i ngan Thi sinh trd 10i tu cau 1 dén cau 4

& Bai 1. Tit do cao 55,8 m cia thap nghieng Pisa nudc Y,
nguoi ta thd mot qua boéng cao su cham xudéng dat (hinh
vé). Gid st mdi lan cham dat qua bong nay len véi do cao
N 1 .
bang 10 do cao ma qua bong dat duge trude do. Tong quang
dudng ma qua béng di chuyén tit khi tha cho dén khi ding
han bing bao nhieu mét? (Két qua lam tron dén hang phan
chuc).

, R . - . - D . 1 . SN
[ /Z{Lm/z(/c Jn/z(jmz Moi khi cham dat qua bong lai ndy 1én mot do cao bang 0 do cao cua lan
roi ngay trude dé va sau do lai roi xudng tit do cao thit hai nay. Do d6, do dai quang dudng clia
qua béng ké tit thoi diém roi ban dau dén:
Thoi diém cham dat lan thit nhat 1a d; = 55,8.

55,8
Thoi diem cham dat 1an tha hai la dy = 55,8 + 2 - 0
Thoi diém cham dat lan thd ba 1a ds = 55,8 + 2 - % +2- %

55,8 55,8 55,8
Thoi diém cham dat 1an tha tu la dy = 55,8 + 2 - 1—0 +2- 102 + 2. 105
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Thoi diém cham dat 1an thi n (n > 1) 1a

55,8 55,8 55,8 55,8
d, = 55,8 2. 224 90. 2" 1 9. 2" 4 ...49. L
0 T e Tt e T e
Do dé6, quang dudng ma qua bong di dude ké tir thoi diém roi dén khi ndm yeén trén mat dat 1a
55,8 55,8 55,8 55,8
d = 2. 2. 2.2 o492, ! -o.=limd,.
95,8 + 0 + 10 + 108 +---+ T + im
55,8 55,8 55,8 55,8 . 1
Vi2. 1(’) 02 10’2 02 10’3 D2 10”’71; ... 13 mot cap s6 nhan lui vo han véi cong boi ¢ = m
nén ta co
5 55,8
55,8 55,8 55,8 55,8 10
2.°27 1 9. 9. cee 9. N —124.
T T R T R T Tt L ’
10

Vay d = 55,8 + 12,4 = 68,2 m.

. 223 — 72 + 11
Bai 2. Két qua cua li d
& Bai ¢t qua cua lim 326 ¢ 205 — 5 a

X Hazfaj diin oiéi. Chia ci tit vi mau cho 2

C
2 7.1
lm 2® 2t a0
T——00 2 3 3 '
342 - =
T X

& Bai 3. Mot doi tho et moi thang dé duge mot doi tho con; moi déi thd con, khi tron hai thang
tuoi, lai mdi thang dé ra mot doi tho con, va qua trinh sinh nd ct thé tiép dién. Hoi sau mot nam
sé ¢ tat cd bao nhiéu doi thd, néu dau nam c6 mot doi tho so sinh? Gia st thoi gian trong ndm
nay khong c6 con thé nao chét.

[} Ha‘o‘?j [/fc/z(/fmz Goi u, 1a s6 doi thé sau n thang, vy = 1.

S6 doi thd sau thang thi n bing s6 doi thé thang truée (u,_;) cong s6 doi thé méi sinh. S6
doi méi sinh bing s6 doi da tir 2 thang tudi tré lén, tic wu,_o. Vay

Up = Up—1 + Up_2, Uy = 17 up = 2.

n|0/12|3[4|5 |6 |7 (8]9| 10|11 |12
Up | 11213581321 |34|55 |89 144 | 233 | 377

N N 4 O khi t < O N . . N ~ 2 2 .
& Bai 4. Cho ham so H(t) = (ham Heaviside, thuong duge dung dé mo ta viéc
1 khit>0
chuyén trang thai tit/md ctia dong dien tai thoi diém ¢ = 0). Tinh lim H(t).
t—0—
e ucong f/(znjz(zz. Khi ¢ — 0~ thi ¢ < 0 nen H(¢) = 0. Do d6 lim H(t) = 0.
t—0~
Phan IV. Tu luan

0 khi z =2

& Bai 1. Xét tinh lien tuc clia ham s6 f(z) = 42 _ 4 tai diém x¢ = 2.
khi x # 2

€xr —

[ Haozy f/fc/l(jl(?é Ta c¢6 f(2) = 0.
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x?—4
r— 2

Véi x # 2:

=z + 2, nén

lim f(x) = 112;@%— 2) =4.

T—2

Vi lin% f(x) =4#0= f(2) nén ham s6 f(z) khong lién tuc (gidn doan) tai zy = 2.
T—

& Bai 2. Cho hinh chép S.ABCD c6 déy ABCD la hinh binh hanh. Chon diém M trén canh AD
sao cho AD = 3AM, chon diém N trén canh BC sao cho BC' = 3BN. Goi G la trong tam tam
giac SAB.

a) Xac dinh giao tuyén ctia hai mit phang (SAB) va (SCD).
b) Chiing minh ring SC song song véi mat phang (GMN).
[} Huogy (/(5/7(,7[(2[.

a) S la diem chung ctia (SAB) va (SCD). Ta c6 AB C (SAB), CD c (SCD) va AB//CD.
Do d6 giao tuyén ctia (SAB) va (SCD) la duong thing d di qua S va song song v6i AB (song song
v6i CD).

1 1

b) Vi ABCD la hinh binh hanh nén AD//BC va AD = BC. Ma AM = §AD, BN = gBC

nén AM //BN va AM = BN. Suy ra ABNM la hinh binh hanh, do d6 M N // AB.
, 2

Goi I 1a trung diem AB. Khi d6 G € ST va ?—(; =73

Trong (SAB), qua G ké dudng thang song song v6i AB, cat SA, SB lan lugt tai P, Q. Khi d6
PQ//AB//MN nén P,Q € (GMN). Theo dinh 1i Thales,

SQ_sG_2 _ BQ 1
SB SI 3 BS 3
BN 1 BQ _ e
Trong (SBC) ¢6 BC = 3= po ben NQ//SC (dinh 1i Thales déo).

Ta ¢6 NQ C (GMN), SC ¢ (GMN) va SC//NQ. Vay SC//(GMN).

& Bai 3. Mot loai gach men c6 kich thuée hinh vuong 60 x 60 cm. Ngudi ta thiét ké hoa van cho
vien gach bang cach tao duong tron (C1) noi tiép hinh vuong ban dau, phan nam ngoai dudng tron
(C1) ma thuoc vien gach thi duge t6 mau dam. Tiép theo ho tao ra mot hinh vuong noi tiép dudng
tron (C}), bén trong hinh vuong nay lai ¢6 mot duong tron noi tiép (Cs); va ho tiép tuc to mau
dam cho phan nam ngoai duong tron (Cy) ma thudc hinh vuong nay. Quy luat nay ct thé tiép tuc
vo han lan. Hoi téng dién tich thudc vé vién gach dugc t6 mau dam la bao nhiéu cm? (lam tron
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két qua dén hang don vi)?

X L{O/(27 c/(zflz(yzfd,zf/.

Goi S, 1a dien tich hinh vuong thi n, T, 1a dién tich phan to dam & budc n.
Hinh vuong thit nhéat ¢6 canh 60, nén S; = 3600. Dudng tron (Cy) ¢6 ban kinh 30, nén
Ty = 3600 — 7 - 30% = 3600 — 900r.
Hinh vuong thit hai noi tiép (C;) nén c6 dusng chéo bing 60, canh bing 30v/2, va Sy = 1800 =
%Sl. Hinh vuong thtt n+ 1 noi tiép duong tron (C,,) noi tiép hinh vuong thit n nén dien tich gidm

mot nita mdi lan. Phan t6 dam ciing giam mot nita méi lan vi 7, = S, <1 — %)
L s 1
Vay (T,,) la cap s6 nhan 1ui vo han ¢6 77 = 3600 — 9007 va cong boi g = 5

= 2(3600 — 9007) = 7200 — 18007 ~ 1545,13.
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DPE SO 11 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.
¢S Cau 1. Trong cdc ménh dé sau, ménh dé nao ding?
(A) Trong khong gian, hai dudng thing cling song song véi mot dudng thang thit ba thi song
song véi nhau.
Trong khong gian, hai dudng thing phan biét cling song song véi mot dudsng thing thi ba
thi song song vé6i nhau.
(©) Trong khong gian, hai duong thang phan biét ciing song song véi mot dudng thing thit ba
thi chéo nhau.
(D) Trong khong gian, hai dudng ciing song song véi mot dudng thang thit ba thi tring nhau.
[ Haﬁo‘y din oici. Day la tinh chit bic cAu ctia quan hé song song: hai dudng thing phan biét
C
cling song song véi dudng théng thit ba thi song song véi nhau. Phuong 4n A thiéu diéu kien “phan
biét” nén chua chinh xéac.
¢ Cau 2. Cho tit dien ABCD c¢6 M, N lan lugt 1a trong tam tam giac ABC va tam giac ABD,
E 1a trung diém ctia BC. Duong thang M N khong song song v6i mit phang nao dusi day?
@) (ACD). (ABD). © (BCD). (D) (ECD).
, . IM IN 1
[ Huo;(z; cz,/(gfé/cz'(z’,z'. Goi I 1a trung diem ciia AB. Khi do6 T6 = p = 3 Swra MN//CD.
Vi CD c (ACD), CD c (BCD) va (ECD) = (BCD) (do E € BC) nén M N song song véi
(ACD), (BCD), (ECD).
V6i (ABD): N € (ABD) nén M N cat (ABD) tai N, do d6 M N khong song song v6i (ABD).
¢ Cau 3. Cho hinh bén dudi. Khang dinh nao dusi day ding?

@ I € (ABQ). I € (BOD). © I € (ABP). ®) I € (ABD).
[ Hwo‘/g/c c/r’z‘”/z(,jéd,z'. Theo hinh, I ndm trén duong thing di qua N € BC va P € BD, ma
NP C (BCD) nén I € (BCD).
—2 s
$® Cau 4. Gidi han  lim L?Em bang

n—+o0o —(n

@
~|
©

2
@A) —6. -
[} Hmffy (/(z‘“/yzfdzf, Chia ca t1t va mau cho n:
2

TRt 5 s
lim 7 = ?7 = —?
- =7
n
N ~ £ 2 £ 2 2 N 377/ —I— 1 & 31 N £ - £ 2
¢S Cau 5. Cho day s (u,) c6 s6 hang tong quat la u,, = L Hoi 10 la s0 hang thit may cta
n
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day s67?
@) 30. 20. © 18. (D) 10.
N Hoong din oidi M = 3—1 & 102(3n + 1) = 31(n* + 2) & 31n? — 306n — 40 =0
G T w2 T 102 ‘
+ 314 4
Ta c6 A = 306% +4-31-40 = 98596 = 314% nén n = % suy ra n = 10 (loai n = _ﬁ)

> Cau 6. Cho bang s6 lieu ghép nhom vé do tudi va s6 lugng khach hang ctia mot cita hang nhu

sau
Khoang tudi | [17;22) | [22;27) | [27;32) | [32;37) | [37;42)
S6 nguoi 8 7 14 8 7
Tinh gié tri dai dién ctia nhém [22;27).
@) 37. 34,5. © 24,5. (D) 32.
(e} Hazf'ﬂj [/fclz(jlﬁé Gia tri dai dién ctia nhom [22;27) 1a 22 ; 2T _ 24,5.

$© Cau 7. Cho hai goc a; 8 thoa man o + 3 = g Héi khang dinh nao sau day ding?

(A) sina = —sin . (B) sina = — cos f3.
(©) sina = sin S. (D) sina = cos f3.

, N . ™ ) LT
[} Had?ﬁ (/(z‘,/z,;(z(z’z,/. Hai goc phu nhau: o = 5 [ nén sin o = sin (5 — ,6’> = cos 3.
C

¢ Cau 8. Cho mau s6 lieu ghép nhém vé can niang va s6 ngudi nhu sau
Can nang | [45;51) | [51;57) | [57;63) | [63;69) | [69;75) | [75;81)
S6 ngwdi | 25 2 9 34 34 9

Nhém chita tit phan vi thi nhat 1a

@ [63;69). [57;63). © [51;57). ®) [69;75).

[ Ha‘o‘zy [/mz(/mm Comaun=25+2+9+34+34+9 =113, nén % = 28,25.

Tan s6 tich lty: 25; 27; 36; ... Vi 27 < 28,25 < 36 nén nhom chia Q; 1a [57;63).
$© Cau 9. Cac nghiém cua phuong trinh 2sinz = 1 1a

_ T - T
x:§+k27r r=—+k2r
@ - (keZ). 5 (k€ ).
r=——+k2r ="+ ko1
- 3 - 3
x:%+k27r :—+k27r
© T (k € Z). ) Qﬂ (keZ).
IE:—E—F/{QW iL‘:——i—k’Q?T
1 T - _+k277
[ Ha‘dyy zz/(z’)z(fz'dzf, 2sinz =1 & sing = - =sin — < 57
2 6 x—7r——+k27r—€+k27r
A . 3xr— RN
$© Cau 10. Gidi han lim ¢6 gia tri bang
=2 T — 2
@) +oo. B) —cc. © 3. D) 0.

[ H‘”’?/“ z/ré)z(fzjd,zf, Khiz —27:3z—-2—4>0vax—2— 0" (am). Vay gidi han bang —oc.
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¢ Cau 11. Cho cap s6 cong (u,), biét u; = —3 va uz = 9. Tim cong sai clia cap s6 cong nay.

@A) d = —6. ®) d=12. © d=-12. (D) d = 6.
[} Huozzy a,/(z‘\/z(,/m'(é[. uz =u; +2d =9=-3+2d=d=06.
¢ Cau 12. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N, P lan
lugt 1 trung diém ctia SA, SD va AB. Khing dinh nao sau day sai?

@) (SBD)//(MNP). (MON)//(SBQC).
© (SBC)//(MNP). D) (SBC)//(OPM).
[ Hwoy [/(5/2(71'(21'. Tac6 MN//AD//BC, MP//SB (duong trung binh), MO//SC, ON //SB,

OP//BC.

(MNP) chita MN //BC va MP//SB nen (MNP)//(SBC). Vay C ding.
(MON) chia MO//SC va ON//SB nén (MON)//(SBC). Vay B dung.
(OPM) chita OP//BC va PM //SB nén (OPM)//(SBC). Vay D duang.
(MNP) chita MN //AD, ma AD cit BD néen MN }f (SBD), do d6 (SBD) Jf (MNP). Vay
A sai.

Phan II. Trac nghiém ding sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

& Bai 1. Cho hinh binh hanh ABC'D va mot diém S khong thuoc mit phang (ABCD), cac diém
M, N lan luot 1 trung diém ctia doan théing AB, SC. Goi O = AC N BD;

S O O O

a) SO la giao tuyén ctia hai mit phang (SAC) va (SBD).

b) Giao diém I ctia dudng thang AN va mat phang (SBD) la diém nim trén dusng thing SO.
c¢) Giao diem J ctia duong thang M N va mat phang (SBD) la diém nam trén dusng thang SD.
d) Ba diém I, J, B thang hang.

(2} /{zm‘/(y f/d/i/mfa’zf. a. SO la giao tuyén ctia hai mat phang (SAC) va (SBD).
Ta c6 S € (SAC)N (SBD).

Trong mit phang (ABCD), goi O = AC N BD.

ViO e AC C (SAC)va O € BD C (SBD) nén O € (SAC)N (SBD).

Vay SO = (SAC) N (SBD).

b. Tim giao diém I ctia AN va mit phang (SBD):
Trong mat phing (SAC), goi I = SO N AN.
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I € AN
Ta co: =1=ANN(SBD).
I€S0,50 C (SBD)

Vay I nim trén dudng thang SO. Khang dinh b ding.
c. Tim giao diém J cia M N va mat phang (SBD):
Trong mit phing (ABCD), goi P = CM N BD.
Trong mat phang (SCM), goi J = MN N SP.
J e MN
Ta c6: = J = MN N (SBD).
JeSP,SP C (SBD)
Diém J nim trén duong thang SP, khong nhat thiét nim tren SD. Khang dinh c sai.
d. Chtng minh I, J, B thing hang:
Dé thay B € (ABN) N (SBD). (1)
) {I € AN, AN C (ABN)
a co:

1es0.50c(sBp) O © (ABN)N(SBD). (2)

J e MN,MN C (ABN)
Tuong tu:

JeSP,SP C (SBD)
Tit (1), (2), (3) suy ra B, I, J cing thudc giao tuyén ciia hai mat phang (ABN) va (SBD) nén ba
diém nay théng hang.

= J € (ABN) N (SBD). (3)

& Bai 2. Chi phi san xuat C phu thuoc luong dau ra ciia san pham @, ching han:

Q+2 khi0 < Q <3
C=f@=9@-20-3
a) Qhr& f(Q) khong ton tai.
b) Jim f(Q) =
¢) Jim f(Q)=
)

d) Ham s6 f(Q) lien tuc tren (0; +00).

L{()Ilﬁ (/(Z/Z(/Z(H

o i = li 2) = 2 nén gidi han ton tai.

a) Sai Jim, f(@) Ql_%h(@-i- ) nén giéi han ton tai
Ding. i = i 2) = 5.

b) Ding Jim Q) Qgg_(QJr )=5

¢) Sai. Véi Q > 3: @-20-3_(@Q-3)(@+1)

=@+ 1, nén C)lggl+f(Q) =441,

Q-3 Q-3
d) Sai. lim f(Q)=5#4= lim f(Q) nén ham s6 gian doan tai Q = 3.
Q—3~ Q—3t+
Phan III. Cau tra 16i ngan Thi sinh trd l0i tu cau 1 dén cau 4
2?2 —ar+b 49
£ —’ X . .
& Bai 1. Cho ham s6 f(x) = x—2 lien tuc tai z = 2. Tinh a — 2b.
D, T =2

2 b
(2} Huv‘y c/z?/z(fz'(ézf, Ham s6 lién tuc tai z = 2 khi lim roerto f(2) =

r—2 ],’—2

Gidi han hitu han nén t1t phai triét tieu taiz =2: 4 —2a+b=0= b= 2a — 4.
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Khi d6 2* — ax +2a —4 = (z — 2)(z + 2 — a), nén
lim(z+2—-a)=4—a=5=a=-1, b= —6.
T—2
Vay a—2b—=—1+12 = 11.

& Bai 2. Mot bon chita nuée hinh tru bing nhua déo cao 4 m, ¢c6 mot ndp nhé beén tren dé bom
nuée vao thiing, trong thiing c6 sin mot luong nude. Dé do chiéu cao muc nude trong thing ngusi
ta lam nhu sau: 1y mot cay sao tre dai 5 m nhing vao thiing sao cho mot dau cham day va mot
dau cham véi mit trén ctia bon nude. Sau khi rit sdo tre ra thi do dude phan sao tre bi wét 1a 1,5
m (tham khao hinh vé). H6i muc nuée trong thiing cao bao nhiéu mét?

[ no dan oidl.
Hl(’Oél/y [/(Lll(jlﬁl

sao 5 m
4m
1.5 m : 3
<«
Sao dai 5 m, mot dau cham day, dau kia cham mép trén ctia bon cao 4 m. Sao hop véi day mot
4
géc o voi sina = 5

Phan sao bi u6t dai 1,5 m la canh huyén clia tam gidc vuong c6 canh géc vuong doéi dien la
muc nudc h:
4

h=15-sina=15- F= 1,2 (m).

& Bai 3. Mot cau thang duong lén cong troi clia mot diém giai tri ¢ cong vien tinh Pha Tho duge
han bang sat c6 hinh didng cac bac thang déu 1a hinh chi nhat véi ciing chiéu rong 1a 35 cm va
chiéu dai ctia né theo thit ty méi bac ké tiép déu gidm dan di 7 cm. Biét rang bac dau tién cia
cau thang 1a hinh chit nhat c¢6 chiéu dai 196 cm va bac cudi cing cau thang 1a hinh chit nhat c6
chiéu dai 56 cm. Hoi gia thanh lam cau thang la bao nhiéu tién? Biét rang gia thanh lam mot mét
vuong cau thang do 1a 1.250.000 dong. (Két qua lam tron dén hang trigu dong).
[ Haoiy c@;yzdz'. Chiéu dai cac bac lap thanh cap s6 cong ¢6 u; = 196, d = —7, u,, = 56:

56 =196 + (n — 1)(=7) = n = 21.
21(196 + 56)

2

Dién tich: 2646 - 35 = 92610 cm? = 9,261 m?.

Tong chiéu dai: S = = 2646 cm.

Gia thanh: 9,261 - 1250000 ~ 11576 250 dong =~ 12 triéu dong.
& Bai 4. Cho mau s6 lieu ghép nhém vé chiéu cao clia 25 cay dita giong nhu sau:
Chidu cao (cm) | [0;10) | [10:20) | [20;30) | [30;40) | [40;50)

S6 cay 4 6 7 5 3
a

b

Trung vi clia mau s6 lieu ghép nhém nay 1a M, = —. Tinh a + 5b.
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[} Hu‘a‘y c/(?/éfz'(ézf, C6 mau n = 25, g = 12,5. Tan sb tich lay: 4; 10; 17; ...

Vi 10 < 12,5 < 17 nén nhém chia trung vi la [20; 30):

12,5 — 10 25 165
M, =20+ "~ .10=20+ = = —°.
Tt T =7

Phan s6 ? toi gidn nén a = 165, b = 7, suy ra a + 5b = 165 + 35 = 200.
Phan IV. Ty luan

& Bai 1. Tinh cac giéi han sau:
a) lim (n® —2n+3);

n—4o0o
oot —4x
b) glcl—rle; V-2

(W a‘o/‘/(;c a,/('z‘yfifzdzl

n—4o0 n—+o00 n n?

2 3 2 3

a) lim (n*—2n+3)= lim n2(1——+—2>:+oo,vin2—>+oova1——+——>1>0.
n n

b) Ta c¢6 22 — 4z = x(x — 4) = 2(y/r — 2)(\/r + 2) v6i x # 4. Do d6

z?—4x
N zglglirzllx(\/z+2)—4-4—16.

& Bai 2. Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh. Goi M la trung diém ctia
canh SB.

a) Tim giao tuyén ctia (SAB) va (SCD).
b) Tim giao diém J cia DM va (SAC).

lim
r—4

(&) Ha’oy f/é/ijz(zz.

a) S la diém chung ctia (SAB) va (SCD). Ta c6 AB C (SAB), CD C (SCD) va AB//CD.
Do d6 giao tuyén ctia (SAB) va (SCD) la dudng thing d di qua S va song song véi AB
(song song véi CD).

b) Goi O = AC N BD. Trong mat phang (SBD), goi J = DM N SO.

Vi SO C (SAC) nén J € (SAC), va J € DM. Vay J = DM N (SAC).

(Vi SO va DM la hai dudng trung tuyén ctia tam giac SBD nén J la trong tam tam giac
SBD.)
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& Bai 3. Cho mot tam giac déu ABC' canh a. Tam giac A;B,C, c6 cac dinh la trung diém cac
canh ctia tam gidac ABC, tam giac A3B>Cy c6 cac dinh la trung diém cac canh clia tam giac
A1 B,CY, ..., tam giadc A1 By1Chy c6 cac dinh 1a trung diém cac canh clia tam giac A, B,,C,,,
Goi p1,p2, ..., Pn,... va S1,9,...,95,,... theo thi ty la chu vi va dién tich cta cac tam giac
A1BCy, AyByCy, ..., A B,C,, . ..

C

A B

a) Tim gidi han cta cac day s6 (p,) va (S,).
b) Tim cac tong p1 +pa+ ...+ P+ ... VA ST+ So+ ...+ S, + ...
[} Hu(fy c/é;y[d[.

Tam giac A,B,C, déu va c6 canh bang ;in (mdi lan lay trung diém, canh gidm mot ntta). Do
do

a 3a V3 a2 a3 i

b on — on 4 4T T4
3 V3 1
a) limpn:hm2—g:OvalimSn:limaX_-Zl—n:O.
N 4 Z ~ NN L 3a 1 R
b) (pn) 1a cap s6 nhan lui vo han ¢6p1= -, ¢ =5 neén
3a
pr+p+.. o+ = 21:3a.
I=3
s sz .. . a’v/3 1
(S,) la cap s6 nhan lui vo han ¢6 S; = 6 —Znen
a?V/3 2
3
51+52+...+Sn+,,,: 161:a\/_
1712
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 12 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.
> Cau 1. Trong cac khéng dinh sau, khang dinh nao sai?

(A) C6 mot dudng thang di qua hai diém phan biét cho trude.

Ton tai bén diém khong cung thudéc mot mat phéng.

(©) Hai miat phang phan biét c6 mot diem chung thi ching c6 mot duong thang chung duy nhat

chita tat ca cac diém chung ctia hai mat phang do.

(D) C6 mot va chi mot mit phang di qua ba diém phan biét.

X flong c/(f/z’fzfdzf, Ba diém phan biét thing hang thi c6 vo s6 mat phang di qua; chi khi ba
C

diém khong thang hang méi c¢6 duy nhat mot mat phang. Vay D sai, cac khang dinh A, B, C déu
ding.

¢ Cau 2. Trong céc gidi han sau, gi6i han nao bang 07
1 n
(A) lim(-3,02)". lim (—§> :
4 n
© lim(v/2)™. (D) lim (§> .

) 4
< 1. Cac s6 —3,02, v/2, 3 c6 gia tri tuyet

o Hmfy din gigi. limg™ = 0 khi || < 1. Chi ¢6
C
d6i 16n hon 1 nén giéi han khong biang 0.

¢ Cau 3. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan lugt 1a trung
diém ctia SA, SB. Ménh dé nao sau day ding?

@) MN//(SAC). MN //(SBD).

© MN//(SAB). D) MN//(SCD).
o Heeong f/avz(,jzfzzﬁ. MN la dudng trung binh ciia tam gidc SAB nén MN //AB. Ma AB//CD
nén MN//CD. Vi CD C (SCD) va MN ¢ (SCD) néen MN //(SCD,).

Cac phuong an con lai sai: M € (SAC), N € (SBD) nén MN cat cac mit phang do6, va
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MN ¢ (SAB).
¢ Cau 4. Day s6 (u,) duge goi la day s6 ting néu véi moi s6 ty nhien n > 1 thi

@ Upt1 > Up. Upt1 = Up. @ Upt1 < Up. @ Upt1 = Up.

[} Haozzj (zj(g)wzké,zl. Theo dinh nghia, day s6 tang khi wu,; > u, v6i moi n > 1.

¢ Cau 5. Trong cic day so sau, day s6 nao la cap s6 nhan?

@1 —1;1;—-1;. ... —1;—3;—5;—7;—9;....

(©) —1;2:4;8;16;. . .. (D) —2;4;8;—16;32;. ...
[} Hwa/ﬁ ~(/a?/§fzfdz,'. \ / o

& A: moi so hang bang so hang ding trudec nhan véi —1, la cap so nhan.

& B: la cap s6 cong cong sai —2.
2 4 R
& C: = —2 nhung 3= 2, khong deu.
4

8 R
& D 5 = —2 nhung 1= 2, khong deu.

.1 1 . N
$® Cau 6. Cho day s6 —=;0; =;... 1a mot cap so cong. Ménh de nao sau day dung?

2772
! 1
Uy = —= Uy =
) 2 . ®)
d=1 d=0
1 1
Uy = ——= U = -
© p 2 0) 2
d= d=1
2
N uong din gidi. _ 2 d=uy—u =0— ! —1

—1
$> Cau 7. Két qua ctia lim v 1

=2+ T — 2
15
@ +oo. ® . © —oo. ® 1.

[} Hao/(y (/(5/2(717(&7, Khiz -2 2 —-15— —13 <0 vax —2 — 0" (duong). Vay giéi han bang

—0Q.

bang

¢ Cau 8. Két qua clia gi6i han lim = la

=5 T —

@ 1. ® 2. @© 0. ® 1.

-5 5-5
[ Ha‘o‘igf a,/r;/%[d[ Ham sb xéc dinh tai £ = 5 nén ilgl{_) P 5T2 = 0.

¢ Cau 9. Trén duong tron lugng giac, lay diém M théa méan AOM = g va diem N la diém doi
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xting v6i M qua O nhu hinh vé. S6 do clia cac goc luong giac c6 tia dau OA va tia cudi ON 1a

Yy
Bl M
%
x
A A
N
@%Jerw(keZ). %Hm(kezy
2 2
@—gmw(keZ). @—%M%(i«e%).

. . 4 2
X Hecone f/H‘IZ,/ ‘@i, N doi xting véi M qua O nén (OA,ON) = z+7T = —W, tic 1a ——7T+k27r (k €
7T 3 3 3
7).
Phuong an B, C ¢6 chu ky k7 nén chiia ca goc co tia cudi OM, khong dung.

2 3
$© Cau 10. Cho cac goc lugng gidc a,b thdéa man 0 < a < z; 0<b< g va sina = o cosh = —.

2 5
Tinh cos(a + b).

8 @ 12 @ 3v21 —8 @ 5v21 — 13
25 25 25 ' 25 '
[ Ha’oy c/ézz(yz'dz'. Via,be (O; g) nén cosa > 0, sinb > 0:
1 4 V21 b 1 9 4
C — _—_— = — 1n = _——_—— = =,
o %5~ 5 %5 5
v21 3 2 4 3v21-8
cos(a+b) = cosacosb —sinasinb = — - — — — - — =
5 5 5 5 25

¢S Cau 11. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi I, J, K lan lugt 1a
trung diém cac canh AB, CD, SA. Khang dinh nio sau day ding?

@ (SBJ)//(ADK). (KID)//(SBJ).

© (SBC)//(IKD). D) (SDJ)//(IAK).
[ Huv‘égﬁ c/(?/z(j[(z’z',, Vi BI = %AB = %C’D = DJ va BI//DJ nén BIDJ la hinh binh hanh, suy
ra ID//BJ.

K1 la duong trung binh ctia tam giac SAB nén K1//SB.

Mzt phang (KID) chiia hai duong thang cit nhau K1, ID lan lugt song song véi hai dudng
thang cat nhau SB, BJ cta (SBJ). Vay (KID)//(SBJ).

Céc phuong an khéc sai vi cac cap mat phang déu c6 diém chung S hogc cat nhau (vi du (SBJ)
va (ADK) = (SAD) cung chita S; (IAK) = (SAB) va (SDJ) cung chita S; con (SBC) va (SBJ)
cit nhau theo SB nén (SBC) khong thé song song véi (IKD)).

¢ Cau 12. Tim nghiém cia phuong trinh 1 + sinz = 0 trén doan [37; 57].

m 97 I
® -2 = @© 3. © 5
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(&) Huozy (/(5/127[(217. l+sinz=0&sinr=—-1a= —g + k21 (k€ Z).

7 11 7
37T§_3+k277'§5ﬂ'<:>1—1SkéZ,makeznénk:2vsuyrax:7ﬂ-‘

Phan II. Tric nghiém diang sai Thi sinh trd [0i tu cau 1 dén ciu 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
& Bai 1. Cho hinh chép S.ABCD c6 day ABCD la ti giac ¢6 cip canh ddi khong song song biét
AB cat CD tai E, AC cat BD tai F trong mat phang day (ABCD).

a) AC la giao tuyén clia hai mat phang (SAC) va (ABCD).

b) Duong thang EF khong nam trong mat phang (ABCD).

¢) SF la giao tuyén clia hai mat phang (SAB) va (SCD), SE la giao tuyén ctia mat phang

(SAC) va (SBD).
d) Goi G = EFNAD. Khi d6, SG 1a giao tuyén ctia mat phang (SEF) va mit phang (SAD).

[} Hmfy (/(5/71’(2’,[.

a) Ding. A, C 1a hai diéem chung ctia (SAC) va (ABCD) nén AC = (SAC) N (ABCD).
b) Sai. E € AB C (ABCD) va F € AC C (ABCD) nen EF C (ABCD).

¢) Sai. E € AB C (SAB) va E € CD C (SCD) nen SE = (SAB) N (SCD). Tuong tu
F € AC C (SAC) va F € BD C (SBD) nén SF = (SAC) 1 (SBD). Menh dé trong dé da
doi chd E va F.
d) Ding. S la diém chung ctia (SEF) va (SAD). Laic6 G € EF C (SEF)vaG € AD C (SAD).
Vay SG = (SEF)N (SAD).
-3 khi z < 1
& Bai 2. Cho ham s6 f(z) = va g(z) = 2* — 3z + 1. Xét tinh Ding -

2
3249
R RN

2 —1
Sal cua cac ménh dé sau.

a) Ham s6 g(z) gian doan tai diém x¢ = 1.

b) Ham s6 f(z) lién tuc tai diem z = 1.

c) Ham s6 y = f(z) — g(x) khong lien tuc tai diem zy = 1.
)

d) f(1)= %

[} /‘[mf//(y a/(?lijzfd[.

a) Sai. g(z) la ham da thic nén lién tuc trén R, trong dé c¢6 zo = 1.

1 1
b) Ding. Ta c¢6 f(1) = —5 lim f(z)= lim <—g> =3 va

T—1~ z—1-
—1)(z —2 —2 1
lim f(z)= lim (z=Dlr=2) = lim = =——.
e 1+ et (z—1)(x+1) as1vx+1 2

Ba gi4 tri bang nhau nén f(z) lien tuc tai zo = 1.

c) Sai. f(z) va g(z) déu lién tuc tai o = 1 nén f(z) — g(z) lién tuc tai xo = 1.
1

d) Sai. f(1) = —3

Phan III. Cau tra 16i ngan Thi sinh trd l0i tw cau 1 dén cau 4

» Swwe targ va Bién soan: Lé /’Z[n/{ K/{a~03ﬁ9655362 153



Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

3?2 —2n+1
4n3 + 11n2 — 5n — 13"

& Bai 1. Tinh lim

[ H“"f% (/(E’/z(yzfdzi, Chia ca tit va mau cho n?:

3 2 1
o op2 pd 0
e s 3o
n n?> nd
2
—1
. 2 ) L ° khiz>4 : ) a ,a
& Bai 2. Biét ham s6 f(z) = ¢ =z —4 lien tuc trén R khi tham s6 m = 3 (3 la

mx+1 khix <4
phan s6 t6i gian). Khi d6 2a + b bang?
(2} HMOW f/d/z(fz'dzﬁ. Véi x> 4 vax < 4, f(z) x4c dinh bang céc biéu thiic lien tuc nén chi can
xét tai x = 4.
Ta c6 f(4) =4m + 1, $li}1£17 f(x) =4m+1 va
= +d) i —s.

z—4t r—4t z—4 r—4t

. 7
Hz}ms@liéntuctailelkhiélm—l—l:8<:>m:Z.

Vaya=7,b=4va2a+b=14+4=18.
& Bai 3. Hang taxi Xanh Viéet Ditc dua ra gia cudc tai tinh Dak Lak dua trén sé quang duong di
chuyén cho bdi ham T'(z) (ddng) khi di quang duong = (km) cho loai xe 4 chd nhu sau
10000 khi0<z <1
T(x) = ¢ a+13000(x —1) khil <z <30
b+ 11000(z — 30) khi z > 30.

Biét rang tien cude duge cho béi ham s6 lién tuc trén (0; +00), khi d6 — bang bao nhiéu?.
a

(2} /{m)éy f/rz”néiz'dz',. Ta c¢6 T'(x) lién tuc trén (0; +00) nén 7'(z) lién tuc tai x = 1 va z = 30.
Vi T'(x) lién tuc tai = 1 nén

lim 7'(w) = T(1) = lim T(x) = T(1) = a+ 13000 - (1 = 1) = 10000 = a = 10000,
Vi T'(x) lién tuc tai « = 30 nén

limT(z) =T(1) = lim T(z) = T(30)
z—1 z—30%

= b+ 11000 - (30 — 30) = a + 13000 - (30 — 1)
= b = 10000 + 13000 - 29
= b = 387000.
b 387000
V& = Toooo ~ 2T
& Bai 4. Cho tam giac ABC' vuong tai A, do dai canh AB = 2025, do dai canh AC' = x (v6i z
la s6 thyc duong thay doi). Dung dudng cao AH clia tam giac ABC. Héi raing néu diém C' cang
ngay cang tién xa diém A, cho dén mot lic nao dé diém C cach diém A mot khoang rat 16n thi do

dai duong cao AH tién vé gia tri bao nhiéu?
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[} Hmfy f/d/z( Gl

Ta ¢c6 BC = AB? + AC? = /20252 + 22.

Khi z rat 16n, ta co

Ao AB-AC 20250 202
BC V20252 + 12 20252
T+ =
20252

Khi 2 — +00, ta c6 — 0, nén AH — 2025. AB =2025

72
Vay khi C' tién xa vo han, duong cao AH tién vé gia tri 2 025.
Phan IV. Ty luan

& Bai 1. Tinh cac giéi han sau:

a) Ly = il_{q(l — 3x);

2
—9
b) Ly =lim— .
r—3 3—;5

o uozzi (1,/(2/2(,71,'(2711

a) [1=1-3-1=—2,

=9  (r—3)(x+3)

3—x —(x —3)
Ly =lim [ — (2 +3)] = —6.

b) V6i z # 3: = —(xz + 3), nén

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi canh bing a, SA = SB = SC =
SD = a.

a) Chiing minh dudng thing AB song song véi mit phang (SCD).

b) Goi G la trong tam tam giac SAB. Mt phing (CDG) cit cac canh SA va SB lan lugt tai
hai diéem F va F. Tinh dién tich ti gidc CDEF theo a.

[ Hmféz/c z/é/z(jz’dzﬁ

a) Vi ABC'D 1a hinh thoi nén AB//C'D. Tac6 CD C (SCD)va AB ¢ (SCD). Vay AB//(SCD,).
b) Goi I 1a trung diém AB, khi d6 G € ST va i—f = ;

Ta c6 (CDG) va (SAB) ¢6 diém chung G, lai ¢c6 CD//AB, CD C (CDG), AB C (SAB). Nén
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giao tuyén FF di qua G va EF//AB//CD. Theo dinh li Thales:
SE  SF SG 2 2a 2 2a
SATSB Sl 3 SE=SP=. BE=gAB=n

2a

Vay CDEF la hinh thang (EF//CD) v6i CD = a, EF = 3

ViSA=SB=SC=58D=ava AB=BC =CD = DA = a nén cac tam giac SAB, SBC,
N N 2 —
SCD, SDA deéu la tam giac deu canh a. Xét tam gidc SDE ¢6 SD = a, SE = §a7 DSE = 60°:

4a? 20 1 Ta? a7
DE?=¢>+"—"_9.4- 2.2 =" = DE= .
“r 3279 3
7
Tuong tu CF = %. Do d6 CDFEF la hinh thang can.
Chiéu cao hinh thang:
2
W2 = DE? — M :7;12_@_2:3_a2 — h:iﬁ_
2 9 36 4 2
Dién tich:
s 1 a+2a a\/§_5\/§a2
CPEE =Y 3 2 12

& Bai 3. Cho hinh vuong H; ¢6 canh béng a (a > 0). Nguoi ta chia mdi canh ctia hinh vuong
thanh sau phan bing nhau va ndi cac diém chia mot cach thich hop dé c6 hinh vuong H,. Ti
hinh vuong H, lai lam nhu trén duge hinh vuong Hs; cit tiép tuc nhu vay ta nhan dude day
céc hinh vuong H,, Hy, Hs, ..., H,, ... (tham khéo hinh vé). Goi S; 1a dién tich ctia hinh vuong
H; i€{1;23;...}). D&t T =51+ Sa+ S5+ ...+ S, + ... Biét T'= 90, tinh a.

L

() Ha‘u‘g z/f/y[a’[. Hinh vuong H; c¢6 canh a nén S, = a?.

. _ T 5x
O hinh vuong H,, canh x, mdi dinh ctia H,,,; chia mot canh thanh hai doan 6 va R nén canh

cua H, ;1 1a

Do dé
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L 4 . . 13
Vay (S,) la cap s6 nhan Iui vo han v6i S; = a?, cong boi ¢ = T

T — Sl :CL_2 18@2'
l1-qg 5 D

18

Tu T =90 suy ra a®> =25, nén a =5 (vi a > 0).
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 13 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lwa chon Thi sinh trd 10 tu cau 1 dén cau
12 méi cau hoi hoc sinh chi chon mot phuong dan.

$© Cau 1. Cho goc lugng giac o thod man 0 < a < g Khéng dinh nao sau day la ding?
@) sina > 0. (B) cosa < 0. (© cota < 0. (D) tana < 0.

~ . ™ P X ~, S N .
() Ha’oy c/(zn(jz(;z. Véi 0 < a < 5 (g6c phan tu thi nhat) thi sina > 0, cosa > 0, tana > 0,
cota > 0.

Chon dap an A.
¢ Cau 2. Cho cap s6 cong (u,) v6i us = 1, uz = —2. Cong sai cia cap s6 cong da cho bang
@) 3. —3. © 1. D) —1.
o Vecong (/{5)2(7&2[, Cong sai d = ug — s = —2 — 1 = —3.
Chon dap an B.
$> Cau 3. Tap xac dinh ctia ham s6 y = tanx 1a
® R\ {kr | k € Z). R\{g+k2w|kez}.
© R\ {k27 | k € 7). @R\{g+kw|keZ}.
Sin @ xac dinh khi cosz # 0 & x # g +kr (ke€Z).

[ Ha’o/y f/(z‘\/ijz'dz'. Ham y = tanx =
Chon dap an D.

$> Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh (tham khéo hinh vé). Khang
dinh nao duéi day la sai?

COS T

(A) Hai duong thang AD va SC cit nhau.

Hai duong thang SB va CD chéo nhau.

(©) Hai duong thang AC va BD cét nhau.

(D) Hai duong thang AB va C'D song song véi nhau.

O Huong din gici. ABCD Ia hinh binh hanh nen AB//CD (D ding), AC va BD cit nhau tai
tam hinh binh hanh (C ding).

SBN(ABCD) = B, B¢ CD nén SB va C'D chéo nhau (B dang).

SCN(ABCD)=C,C ¢ AD nén AD va SC chéo nhau, khong cit nhau. Vay A sai.

Chon dap an A.
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¢ Cau 5. Cho hai day s6 (uy), (v,) ¢6 limu, = 3 va limv, = —2. Khi d6 lim(u,, + v,) bang
@) 6. 1. © . ®) 1.
[ Huozy (2427/2717(2,1ﬁ. lim(u, + v,) = limu, + limv, =3+ (-2) = L.
Chon dap an D.
$> Cau 6. Cho hinh hop ABCD.A,B,C,D; (tham khao hinh vé&). Mat phang (ACB;) song song
v6i mat phang nao dudi day?

C1
Al

A B
e/ luong (/(z,,.jztfzz. Ta ¢6 ABy//DCy nén AB,//(A,C1D) (vi DCy C (A,C1D)).

Lal co AC'//A1C1 nén AC//<A101D>

Hai duong thang AC va AB; cat nhau ciing nam trong (AC B;) va ciing song song v6i (A;C1 D).
Vay (ACBy)//(A1C1 D).

Chon dap an A.
& Cau 7. Cho céac goc luong giac a, b. Khang dinh nao sau day la dang?

() sin(a + b) = sina. cosb — cos a. sin b.
sin(a 4+ b) = sina. cosb + cos a. sin b.
(© cos(a — b) = cosa.cosb — sina. sin b.
(D) cos(a + b) = cosa.cosb + sin a. sin b.

[} Ha‘o‘ﬂ(j f/élzjzd,zf, Cac cong thic ding la sin(a + b) = sinacosb + cosasinb, cos(a — b) =
cosacosb+ sinasinb, cos(a + b) = cosacosb — sinasin b.
Chon dap an B.

¢ Cau 8. Néu lim f(x) =3 thi lim [z + f(z)] bang

@) 1. ®) 4. © 3. D) 5.

S /luong a/a‘”,yz[zz. lim [z + f(2)] = limz + lim f(2) =1+ 3 = 4.

—
Chon dap an B.
¢ Cau 9. Trong khong gian, khing dinh nao duéi day ding?
(A) C6 duy nhat mot mat phang chita hai duong thang phan biét.
C6 duy nhat mot mit phang chita ba diém phan biét.
(©) C6 duy nhat mot mit phang chita mot diém va mot duong thang.
(D) C6 duy nhat mot mat phang chita ba diém phan biét khong thang hang.
(&) Hmféz/j f/{z‘”/zyzfézf. Hai dudng thang chéo nhau thi khong cling nim trong mot mat phéng nén
A sai.
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Ba diém thang hang thi c6 vo6 s6 mat phang chita ching nén B sai.

Diém thuoc dudng thang thi c6 vo s6 mit phang chita ca hai nén C sai.

Theo tinh chat, qua ba diém phan biét khong thang hang ¢6 duy nhat mot mat phang nén D
ding.

Chon dap an D.
$> Cau 10. Cho duong thang a song song v6i mit phang (P), mat phang (Q) chita dusng thang
a, mit phang (Q) cit mat phang (P) theo giao tuyén la dudng thang b. Khang dinh nao dudi day
la dang?

(A) a cat b. a va b chéo nhau.

(©) a song song vdi b. (D) a trung b.
(e} Hway f/d/zjz'a’z'. Theo dinh Ii vé giao tuyén ctia hai mat phing: néu a//(P), a C (Q) va

(Q)N(P)=>bthia//b.
Chon dap an C.

> Cau 11. Khang dinh nao sau day la ding?

r=a+k

(A) cosz = cosa & " (keZ).
| z=7—a+kn
(2 =a+ k2

B) cosz = cosa < " (k € 7).
|z = —a+ k27
(2 =a+kr

(©) cosx = cosa & (keZ).
|z =—a+kr
(2 =a+k2

(D) cosz = cosa & " (keZ).
| r=7—a+ k27

[ Hao}czﬁ f/(f/z,’ 7101 Cong thic nghiém ctia phuong trinh c¢o ban: cosx = cosa < © = fa +
C
k2r (k € Z).
Chon dap an B.

O Cau 12. Cho day s6 (uy,) v6i u, = 2n + 1, n € N*. Gi4 tri uz bang

@ 5. ®) 6. © 8. D) 7.
(e} /‘[a’()y (/é”/ifz'dzl uz=2-3+1="17.

Chon dap an D.

Phan II. Trac nghiém ditng sai Thi sinh trd 107 ti cau 1 dén cau 2 moi i a) b) c) d) thi
sinh chon ding hodc sai

-3 khi 2 < 1
& Bai 1. Cho ham 6 f(z) = ¢ ,2 _ 32 4 2 . va g(x) = 2* — 3z + 1. Khi do:
W khiz >1

1
a) Gi6i han lim f(z) = =.

) z—1t 2
b) Ham s6 g(z) lien tuc tai diém zo = 1.
: o 1
c) Gi6i han il_)H% f(z) = glgl_}ﬂ% g(x) = 3
)

d) Ham s6 f(x) lien tuc tai diém z¢ = 1.
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[} Hwo‘/y (/{fn olal. a) Sai. Ta ¢6
C

—1)(z—2 -2 -1 1
lim f(zx) = lim (x = Dz —2) = lim ~ =—=——.
z—1+ z—1t (ZE — 1)(37 + ].) z—1+x+1 2 2
b) bing. g(x) 1a ham da thic nén lién tuc trén R, do d6 lién tuc tai zo = 1.
: A o AR R S 1
c¢) Sai. Ta c6 xlg{l_ flz) = xlg{l_ < 2) =5 Va xligl+ f(z) = 5> hen iLII% flx) = 5

Mat khac lin%g(x) =g(1)=1-3+1=-1
xT—r
Vay lim f(z) = —= £ —1 — lim g(x) va ca hai déu khac »
ay lim f(2) = -3 = lim g(2) va ca hai déu khac ;.
1 1
d) Ding. f(1) = —3 va lirq flz) = —5 = f(1) nén f(x) lien tuc tai zo = 1.
T—

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD la hinh thang (AD song song véi BC va
AD > BC). Goi M, N lan lugt 1 trung diém ctia SA, SD (tham kh&o hinh vé).
a) Duong thang M N song song véi mit phang (SBC). S

b) Giao tuyén ctia hai mat phang (SAC) va (SBD) la duong
thing di qua S va O, véi O la giao diém ctia AC va BD. N

c¢) Duong thing C'D khong cit mat phang (SAB).
d) Giao tuyén ctia hai mat phang (SAB) va (SCD) la duong D
thing di qua S va song song véi duong thang AB.
B C
o Haﬁo‘g J@?ya‘a’zﬁ a) Dung. M N la duong trung binh cta tam gidc SAD nén M N //AD. Ma
AD//BC nén MN //BC.
Vi BC C (SBC) va MN ¢ (SBC) nén MN //(SBC).

b) Ding. S 1a diém chung ctia (SAC) va (SBD). Lai ¢c6 O = AC N BD nén O € (SAC) va
O € (SBD).

Vay (SAC)N (SBD) = SO.

c) Sai. Trong mat phang (ABCD), vi ABCD la hinh thang c6 AD > BC nén hai canh bén
AB va CD khong song song. Goi K = ABNCD.

Khi d6 £ € AB C (SAB) nén CD cét (SAB) tai F.

d) Sai. S vi E 1 hai diém chung ctia (SAB) va (SCD) (vi E € AB C (SAB), E € CD C
(SCD)).

Do d6 (SAB)N (SCD) = SE. Dudng thang SE cit AB tai E nén khong song song véi AB.

Phan III. Cau tra 16i ngan Thi sinh trd l0i tu cau 1 dén cau 4
& Bai 1. Trong Vat li, phuong trinh tong quét clia mot vat dao dong diéu hoa cho béi cong thiic
x(t) = Acos(wt + @), trong dé ¢ 1a thoi diém (tinh bang giay), z(¢) 1a i do clia vat tai thoi diém
t, A 1a bien do dao dong (A > 0) va ¢ € [—m; 7] 1a pha ban dau ctia dao dong. Xét hai dao dong
diéu hoa c¢6 phuong trinh: z; () = 2 cos <zt + Z) (cm) va z5(t) = 2 cos (gt — g) (cm). Tim bién

3 6
do ctia dao dong tong hop x(t) = z1(t) + z2(t). (Két qua lam tron dén hang phan tram)
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[} Hm)y c/rz‘”/iiz'a’zl Hai dao dong cling tan s6, c6 A; = Ay = 2 v do léch pha
T T T
Ap=T_ (——) -
LG 3/ 2

A:\/A%—FA%—FQAlAQCOSAgO:\/44‘44‘2'2'2'008%2\/§:2\/§%2,83 (cm).

Bién do dao dong tong hgp:

Vhr +1—+4x +4

khi z > 3 ,
& Bai 2. Cho ham sb f(z) = 21293 —6 . Tim gia tri m dé ham s6 f(z)
-2 khi z < 3
? 16
lién tuc tai diem x = 3.
N uong din gici. Taco f(3) =m — o3 va lim f(z) =m — @
J T T 16
1)—(4 4 —
lim f(x) = lim (bt 1) — (o +4) = lim ro9
z—3+ z—3+ (22 — 6) (\/5:1:—1—1—{—\/4334—4) z—3+ 2(x — 3) (\/551:—1—1+\/4;E+4)
. 1 1 1
= lim = = —.
2-3+ 2 (Vb +14+VAz +4) 2(4+4) 16
o . C o e 63 1
f(z) hentuctalx:?)khlvachlkhlm—1—6:E<:>m:4.

& Bai 3. Cho mau s6 lieu ghép nhém cho bdi bang sau:
Nhém | [5;10) | [10;15) | [15;20) | [20;25)
Tan s6 | 18 a 13 18

. . . 103 .
Uéc lugng s6 trung binh clia mau s6 lieu ghép nhém trén, ta duge két qua la 7 = — Tim tan so

a cia nhom [10;15), biét rang a 1a s6 tu nhien.
[ Hwo‘/(y c/rz’/zjz‘d,& Gia tri dai dién clia cac nhém lan luot 1a 7,5; 12,5; 17,5; 22,5. C6 mau
n=184+a+ 134+ 18 =49 +a.

18-754+125a+13-17,5 4+ 18-22,5 B 767,5 + 12,5a
49+ a N 494+a

T =

Theo da: 767,54+ 12,5a _ @
49 + q 7

& 7(767,5 + 12,5a) = 103(49 + a)
& 5372,5 + 87,50 = 5047 + 103a
& 15,50 = 325,5 <> a = 21 (théa man).

& Bai 4. Mot hoc sinh bat dau thic hien ké hoach tiét kiem tién dé mua mot mén do cong nghe.
Trong tuan dau tién, hoc sinh dé tiét kiem duge 20 nghin dong. Ké tit tuan thit hai trd di, moi
tuan hoc sinh d6 tiét kiem duge s6 tién nhiéu hon 15 nghin dong so véi tuan lién trude d6. Héi sau
16 tuan thuc hien ké hoach tiét kiem, hoc sinh dé sé tich lity duge tong cong bao nhiéu tién (tinh
bang don vi nghin dong)?

[} Hwo‘/z(/f c/a?/éyz'(z’zi. S6 tien tiét kiem méi tuan lap thanh cap s6 cong c6 u; = 20, cong sai d = 15.
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Tong sb tién sau 16 tuan:
16 [2u; + 15d]

S1e = 5

=8(2-20+15-15) = 8- 265 = 2120.
Phan IV. Tu luan
& Bai 1. Tinh cac giéi han sau:

R

(&) Hwo‘éz/c f/(zflz(jééi. a) Ly = :lﬂl_)rr{(l —3r)=1-3-1=-2.

b) Véi x # 3:
=9  (x—3)(x+3)
3—z  —(x—23)
Do d6 Ly = lim [~ (x +3)] = —6.

= —(z+3).

& Bai 2. Cho hinh chép S.ABCD c6 day ABCD 13 hinh binh hanh. Goi M, N, Q lan lugt 1a trung
diém cac canh AB,CD, SA.

a) Tim giao tuyén ctia mat phang (SAC) va (SBD).
b) Ching minh SB//(MNQ).
¢) Tim giao diém ctia SD va mat phiang (MNQ).

[} /‘[mf/(y f/(?/é/czfa’[.

a) Goi O = ACNBD. Tacé S 1a diém chung ctia (SAC) va (SBD). Mat khac O € AC C (SAC)
va O € BD C (SBD) nén O ciing la diém chung.

Vay (SAC)N (SBD) = SO.

b) Trong tam gidc SAB, Q va M lan lugt la trung diém ctia SA va AB nén QM la dudng trung
binh, suy ra QM //SB.

Vi QM C (MNQ) va SB ¢ (MNQ) nén SB//(MNQ).

¢) Vi ABCD la hinh binh hanh nén AM //DN va AM =
1& hinh binh hanh, suy ra M N //AD.

ATB:C—D:DN, do d6 AMND

Ta c6 (MNQ) va (SAD) c6 diém chung @, 1an lugt chita hai dudng thing song song M N va
AD. Do d6 giao tuyén ctlia ching la duong thang d di qua @) va song song v6i AD.

Trong mat phang (SAD), goi P = d N SD. Khi d6 P € SD va P € d C (MNQ), nén
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P=SDN(MNQ).
Vi QP//AD va Q la trung diém ctia SA nén P 1a trung diém ctia SD.
Vay giao diém ctia SD va (MNQ) 1a trung diém P ctia SD.
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 14 Mon: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu

12 méi cau héi hoc sinh chi chon mot phuong dan.

1-9
$> Cau 1. Gi4 tri ciia lim "
n-+ 2
1
@ 0. 5 © -2 © 1.
1-—2 L_9
L )

ﬁ§,}1&0277dgh, ici. lim e 1H11-+»2

Chon dap an C.
> Cau 2. Khing dinh nao sau day sai?
2024\ " n
@) lim | —=— ] =0. lim (\/5) = +00.
2025
n 1 n
(© lim (g) =0. (D) lim <§> =0.

[} Huogzj (/(27)%17(5,1,',. Day ¢" ¢6 giéi han 0 khi |¢| < 1 va giéi han +oo khi ¢ > 1.

. 5 5\"
Cacy A, B, D ding. Y C sai vi 3 > 1 nén lim (5) = +00.

Chon dap an C.
n?—2

$® Cau 3. Tim s6 thuc a khac 0 sao cho lim =
an? — 1

@a:—%. ®) a=—2. © a=2. D) a=

n:—2 . 1-5
= lim — =

2.

SHES

DO | —

.1
Theodée — =2=a =
a

Chon dap an D.

$© Cau 4. Tinh gi6i han L = lim .
z—3+ x — 3

@A) L = —oc0. ® L=0.

o Hmy a,’(;%zdz. Khi 2 — 3+ thi 2 — 3 — 0% va tit bing 5 > 0.

© L = +oo. D L=

Do d6 L = +o0.
Chon dap an C.
¢ Cau 5. Gia st lim f(x)

T—2
@) 1.
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=5 va lin% g(x) =6, khi do6 lin% [2f(x) — g(x)] bang bao nhieu?
T— T—

11. © 4. D) 8.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1
-&}mﬁyd%ymzggpﬂm—g@ﬂ=2ﬁ—6=4

Chon dap an C.

Va2 + 3x

¢ Cau 6. Cho ham s6 g(z) Tim lim [g(z) — 1].

T 2024z + 1
2025 3 2023 2025 2023
2024 2024 2024 2024

, . [ 3 [, 3
(e} Ha’o‘fy f/fz‘/zdm'(z’z'. Véi z < 0taco Va2 +3z = |z|y/1+ = = =2y /14 —.
! T T

Do do6
—y/1+2 1
I = lim =
m o(w) = I o0 T = "2m
1 2025
ay i L R
Vay lim lo(x) = 1] = =555 2024

Chon dap an A.

¢ Cau 7. Mot cong ty san xuat giay da da xac dinh duge rang, tinh trung binh mot cong nhan c6

d 6 =
the lam duge f(z) = 1 +I2x doi giay mdi ngay sau khi duge dao tao ¢ ngay. Tinh xgrfm f(z).
16
5 B 16. © 15. D 8.

16 16 16
[ Ha‘o/‘égﬁ c/(?/éj[(éz',, lim BN T = — =28

im ——— =
z—+o00 15 + 2 s+ % + 2 2
Chon dap an D.

¢S Cau 8. Ham s6 nao trong cac ham s6 dudi day khong lien tuc trén R?

x
@yzcosxm. ?J:m-
©y= D) y = 2* + 6x + 20.

r+1
[ Hu“o/% a/(z/z(/mm Ham y = cosz va ham da thitc y = 22 + 62 + 20 lién tuc trén R.

Ham y = c6mau 2° +x +2 c6 A =1 — 8 < 0 nén mau luon duong, ham lién tuc

2+ x4+ 2
trén R.

Ham y = % khong xac dinh tai x = —1 nén khong lién tuc trén R.
x
Chon dap an C.

¢ Cau 9. Cho hinh chép S.ABCD c6 day ABC D 1a hinh binh hanh. Goi M, N lan lugt 13 trung
diém ctia AD va BC. Giao tuyén ctia hai mat phang (SMN) va (SAC) 1a

@) SD.

SO (O la giao diém hai duong chéo ctia hinh binh hanh ABCD).

(© SE (FE la trung diém AB).

(D) SF (F la trung diém ctia CD).
[ Huogzj a,/(z“/z(j[(ézf. Goi O = AC N BD. Vi ABCD la hinh binh hanh nén O li trung diém ctia
MN (do MN di qua tam O ctia hinh binh hanh), tic O € MN C (SMN).

Ma O € AC C (SAC) nén O la diém chung clia hai mit phang. Lai c6 S 1a diém chung.

Vay (SMN)N (SAC) = SO.
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Chon dap an B.
$9 Cau 10. Cho tit dien ABCD:; I, J theo thit ti 1a trung diém ctia AC, AD; G 1a trong tam tam
giac BCD. Giao tuyén ctia hai mat phang (GI.J) va (BCD) la dudng thing

(A) Qua I va song song vdi AB. Qua J va song song véi BD.
(©) Qua G va song song véi CD. (D) Qua G va song song véi BC.
e lucong Ja’;ijzfdzf, IJ 13 dudng trung binh ctia tam gisgc ACD nen I1.J //CD.

Ta ¢6 G 1a diém chung cta (GI.J) va (BCD), IJ C (GI.J), CD C (BCD), 1J//CD.
Do d6 giao tuyén la dusng thang di qua G va song song véi C'D.
Chon dap an C.

$> Cau 11. Cho hinh hop ABCD.A'B'C'D'. Mt phang (AB'D’) song song v6i mat phang nao
trong cac mat phang sau day?

@) (BC'D). (BCA). © (ACC). (D) (BDA).
[ Haﬁo‘y din gici. Tacé AB'//DC’ (vi ABC'D'.... cing song song va bing A'D'... cu thé AB'DC’
14 hinh binh hanh nén AB'//DC") va AD'// BC".

Hai dudng thang cit nhau AB’, AD' ctia (AB'D’) lan lugt song song v6i hai dudng thang cat
nhau DC’, BC' ctia (BC'D).

Vay (AB'D")//(BC'D).

Chon dap an A.
¢S Cau 12. Cho mau s6 lieu ghép nhém vé can ning va sd nguoi nhu sau
Can nang | [45;51) | [51;57) | [57;63) | [63;69) | [69;75) | [75;81)
S6 ngudi 25 2 9 34 34 9

Nhém chia ti phan vi thid nhat 1a

@A) [63;69). [57;63). © [51;57). (D) [69;75).
e Hucong a/(?li/rzfa’zf. Comdun=25+2+9+34+34+9=113, nén % — 28,95,

Thn s6 tich liy: 25; 27; 36; ... Vi 27 < 28,25 < 36 nen nhom chita Q; 1a [57;63).
Phan II. Tric nghiém diang sai Thi sinh trd 10i tu cau 1 dén cau 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
-9
& Bai 1. Cho ham s6 f(z) = z? + 27

11

khi z # —3

a) Ham s6 f(z) xac dinh trén R.

11

b) f(—3):a—§~
. . x?2—9
C> :cll>n—13f(x) o xll>n—13 {);’3 —|—27

d) C6 23 gia tri nguyén ctia a € (0;25) dé ham s6 gian doan tai x = —3.
(&) Hazfny (/fc/z(jmz a) Dung. V6i x # —3 thi f(z) c6 nghia (mau x3 + 27 # 0), con tai z = —3
C

ham c6 gia tri a — 9 Vay f xac dinh trén R.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

) 11
b) Ding. Theo dinh nghia ham s6, f(—3) = a — 9
2 —9
¢) bing. Khi  — —3 thi z # —3 nén f(x) = T
d) bing. Véi x # —3:
(x —3)(z + 3) x—3
f(l’) = 2 = 9 :
(x+3)(a?2—-32x4+9) a2-3x+9
—6 2
li ==
Suy ra lim, f(2) = 57575 = 75

11 2
Hamgiéndoantaix:—?)khia—g7é—§<:>a7£1.

Véi a € (0;25) nguyén thi a € {1;2;...;24} ¢6 24 gia tri, b6 a = 1 con 23 gia tri.
& Bai 2. Cho tit dien ABCD. Goi M la diém trén canh AB, N 1a diém thuoc canh AC sao cho
M N khong song song v6i BC. Goi P la diém nadm trong ABCD. Khi dé:
a) MN = (MNP)N (ABC).
b) Giao tuyén ctia hai mat phang (M N P), (BCD) la dudng thang cat BC'
¢) Giao tuyén ctia hai mat phang (M N P), (ABD) la duong thang cit AB va DC.
d) Giao tuyén ctia hai mat phang (M NP), (ACD) la duong thang cat AB va DC.

[ Ha‘o‘y (/(?/27[(2’ Z.

- a) Ding, vi M, N thuoc ca (MNP) va (ABC).

- b) Dang, goi H = M N N BC, khi d6 giao tuyén 1a HP cit BC tai H.
- ¢) Sai, giao tuyén (MNP)N (ABD) la MK v6i K = HP N BD.

- d) Sai, giao tuyén (MNP)N (ACD)1a NF v6i F = HPNCD.

Phan III. Cau tra 16i ngan Thi sinh trd 10 tu cau 1 dén cau 4

. 24 + 6v/3
& Bai 1. Biét ring lim L\/_:a\/g+b. Tinh a + b.

z——/3 3 — x?
O Huong (1’(’2}1(/61,'(21,'. Ta ¢6 22° + 6v/3 =2 (23 +3V3) =2 (2 +v3) (2 = V3r +3) va 3 —a? =
(V3—1z) (V3+uz).
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2 (22 —3x+3 ) 1
- (22 — V3z + ): (3+3+3) _ 18 _ 33
23 V3—x 23 23

Suyraa=3,b=0,nén a+b=3.

& Bai 2. Anh Binh mudn lam ké rubic ¢6 dang nhu hinh, nén da thiét ké bang viéc tao ra mot
hinh chép tam gidc sau d6 cat phan dinh nhu hinh vé. Cy thé anh Binh lam 1 hinh chép S.ABC
¢6 day 1a tam gidc ABC c6 AB = AC =5 (cm), BAC = 30°. Sau d6 dyng mit phang (P) song
song v6i (ABC) cat doan SM tai M sao cho SM = 2M A rdi cit dé tao san pham. Héi dién tich
thiét dien sau khi cit thanh san pham hoan chinh 14 bao nhiéu? (Iam tron dén hang phan tram)

S

() Hwo‘ﬁ (/a?/ifz'(ézf.

Dién tich day:
1 1 1 25
— —.AB-AC -sin30°=~-.5.5.- = ==
SaBc 5 C -sin 30 5 55 5 1

Vi (P)//(ABC) nén thiét dien 1a tam giac dong dang véi tam giac ABC. Do SM = 2M A nén

L= 3 day chinh 1a ti s6 dong dang.

2\? 25 25
Siniét dién — (5) — = — 2,78 (cmz).

4 9
& Bai 3. Mot budi chiéu no, bén bép lita hong trong gian nha am ap, ngudi ta nhin thiy ba me
con cling ngodi an dau phong rang. Tam an trude, cd boc 1 hat dau va bd vao miéng; Cam 13 nguoi
boc dau tiép theo, co bd hai hat dau vao miéng; di ghé 14 nguoi boc dau tiép theo lién boé 3 hat
vao miéng. Trd lai lugt ctia Tam, c¢o lay 4 hat dau, roi Cam lay 5 hat dau, di ghé lay 6 hat dau. ..
Bita #n hao hiing nhu thé cho dén lugt cudi cuing thi s6 hat dau khong du theo quy luat tro choi,
nguoi nao dén lugt cudi sé 1lay hét s6 hat dau con lai. Sau bita &n am 4p ay, Tam nhan ra minh da
cho vao bung khodng 317 hat dau. Hoi tong sé6 dau ma ba me con da an trong t6i d6 1a bao nhieu?

[ Huozzj a,/(z“/zjzfa’zf. O luot tht j (dém lien tuc) ngudi d6 lay j hat. Tam boc & cac lugt
1,4,7,...3k—2, ...

Néu Tam bbc du n lugt thi sé6 hat Tam an 1a

n

S @Bk-2) = 3’ —n.

2
k=1
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3-196 — 14

Vi n = 14: = —— = 287 (lugt tht 14 cita Thm 1a Lugt 40).
L1225 — 1
V6i n = 15: % = 330 > 317.

Vay Tam boc du 14 lugt (dén lugt 40), roi Cam 1ay 41 hat, di ghé 1ay 42 hat. Dén lugt thit 43
ctia Tam, Tam chi lay s6 hat con lai 1a 317 — 287 = 30 < 43 hat, day 1a lugt cudi.
Tong s6 hat dau:

42 - 43
1+2+---+42+30:T+30:903+3O:933.

Dap s6: 933.

& Bai 4. Cho tam giac déu canh 1, bén trong c6 vo han cac dudng tron tién vé cac dinh ciia tam
giac deu d6. Moi duong tron tiép xic véi cac duong tron khac va véi cic canh clia tam giac. Tinh
tong dien tich clia tat ca cac duong tron (lam tron két qua dén hang phan tram).

[ Ha‘o‘y (/(?/27[(2’ Z.

V3
-

Duong tron 16n nhat 13 duong tron noi tiép tam giac déu canh 1, ¢6 ban kinh g =

= 2r

sin 30°
tren phan gidc. Xét hai duong tron lién tiép cling tiép xtc hai canh ctia goc, ban kinh 7’ (16n) va

Tai mdi dinh (goc 60°), dudng tron tiép xic hai canh ¢6 ban kinh r va tam cach dinh

r (nho): hai dudng tron tiép xic ngoai nén
7.,/
2r'—27’:r'+7’:>r:§.

. ro To T
Vay tai moi dinh c6 day duong tron ban kinh 30, 3—2, 3—2,
2

s6 nhan véi s6 hang dau 70 va, cong boi 5

..., tic day dien tich lap thanh cap

Téng dién tich ctia day tai mot dinh:
/9 wrg

1
-8

Téng dien tich tat cd cac dudng tron:
7T7“§ 1 5, 11 1 117

S:WT(Z)—FS'?:gTFTO:gTF'E:%%0,36.

Phan IV. Ty luan

& Bai 1. Tinh
2n? +5

im ——m—.
2) lm9n2+n+1

170 » Swwe larg va Bién soan: Lé /@714 )(/z(z -0399653362



b) lim (Va?+ 7z +5+ 2z).

T—r—00
[ Hwofﬁ (/(z‘“/yz'(ézl a) Chia ca t1t va mau cho n%:

nm2+5 . 2+— 2
——— = lim ———*— 9
M2 intl 9+ 1 +

b) V6i < 0 thi x2+7x+5—|x|1/1—|— +— —x,/1+ +—2.
T

Do do

lim

7 5
\/3;2—1—791:—1-5—1—2:6—95(2— 1+——|——2>.
[

Khi:c—>—oo:x—>—oovéQ—,/1+%+f—2—>2—1:1>0.

Vay gi6i han bing —oo.

& Bai 2. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O. Goi M, N lan lugt 1a trung
diém ctia SA, SB.

a) Chiung minh (OMN)//(SCD).
b) Goi K la diém bat ky trén M N. Ching minh OK //(SCD).
[} Hwo‘éz/c /é/z(jz’dzﬁ

a) Trong tam giac SAC, M va O lan lugt 1a trung diém ctia SA va AC nén OM la duong trung
binh, suy ra OM //SC.

Trong tam giac SBD, N va O lan luct 1 trung diém ctia SB va BD nén ON la dudng trung
binh, suy ra ON //SD.

Ta c6 OM //SC C (SCD) nen OM //(SCD); tuong tw ON//SD C (SCD) nén ON //(SCD,).

Mit phang (OMN) chita hai dudng thang cit nhau OM, ON ciing song song véi (SCD). Vay
(OMN)//(SCD).

b) Vi K € MN C (OMN) nén OK C (OMN).

Ma (OMN)//(SCD) nen OK //(SCD).
& Bai 3. Mot ky thuat vien trac dia dung may GNSS 2 tan RTK chuyén dung két ndi tram tham
chiéu quoc gia da do duge bac thit nhat clia mot khu ruong bac thang & Mt Cang Chai c6 do

cao 953,4 m (sai s6 0,05 m) so véi myc nuée bién. Biét rang thita ruong & bac thit hai cao hon 2
m so v6i thita ruong ¢ bac thit nhat, va ké tit bac thit ba trd lén thi mdi bac cao hon bac ngay dudi
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

né 0,7 m. Hoi thita ruong cao 964,5 m so v6i muc nuée bién 13 thita ruong 6 bac thit bao nhieu?

o Hao}czﬁ c/d/z(yzf(z’zi. Goi u, 1a do cao clia thita ruong ¢ bac thit n (so véi muc nuée bién).

& Bac thtt nhat (n = 1): Do cao 1a vy = 953,4 m. (Sai s6 0,05 m khong anh hudng dén tinh
toan bac).
& Bac thit hai (n = 2): Do cao ug = ug +2 =953,4 + 2 = 955,4 m.
& Tu bac thit ba trd 1én (n > 3): Mdi bac cao hon bac ngay dudéi n6é d = 0,7 m, do d6 day do
cao tit bac 2 tré di: Day us, us, u4, ... 1a mot cap sd cong c6 s6 hang dau 1a us = 9554 va
cong sai d = 0,7.
Cong thitc s6 hang tong quét clia cap sé cong, bat dau tit uy 14 u, = uy + (n — 2)d, trong do6
uy = 9554 va d = 0,7.
Suy ra
Un = 9554 + (n — 2) - 0,7 (%).
Thay u, = 964,5 vao cong thitc (x) ta duge
964,5 = 955,4 + (n — 2) - 0,7
o (n—2)-0,7=964,5 — 955,4
< (n—2)-0,7=9,1

91
en—2=-"
" 0.7
s n—2=13
S n=13+2
< n=15.

Vay thtta ruong cao 964,5 m so véi muc nudc bién la thita ruong & bac thit 15.
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TOAN THAY KHA DE ON TAP CUOI Ki I 2026 - 2027
DE SO 15 Moén: TOAN 11
(Dé gom c6 3 trang) Thoi gian lam bai: 90 phait, khong ké thoi gian phdt dé

Phan I. Cau tric nghiém nhiéu phuong an lya chon Thi sinh trd 10 t cau 1 dén ciu
12 méi cau héi hoc sinh chi chon mot phuong dan.

—9n3
6 Cau 1. Tinh A = lim —
n®+1
@A) A= —oo. B A= -2. ©) A= +oo. D) A=0.

1
3 -9 1 24 —

() /‘[u‘o‘igj din oidi. A =lim n(—+1”2) —limn - — — _o0,
nQ

Chon dap an A.
¢ Cau 2. Cho hai ham s6 f(z), g(x) thoéa man lin% flz) = 4 va lin%g(x) = 1. Gia tri cta
liy [£(2) + g(2)] biing

@) 5. 6. © 1. O —1.
[} /’[u‘o‘ézj (2/(211(?1'(2,17. il—% [f(z)+g(x)]=4+1=5.

Chon dap an A.

> Cau 3. Ham s6 ndo sau day gian doan tai x = v/3?
2 2

@y= 3 Y= 21

©) y = sinz. @y:x2—3.

2 2

7 khong xac dinh tai x = V3 nen gian doan tai diem dé6. Ba

x _
ham con lai xac dinh va lién tuc trén R.

Chon dap an A.

[ Hmfg (/(5/1, let. Ham y =

2 —x—2 .
. ) . ———— khiz #2
$> Cau 4. Tim gié tri thyc ctia tham s6 m dé ham s6 f(x) = T — 2 lién tuc
m khi x =2
tai z = 2.
@A) m = 0. ® m=1. © m=2. D) m = 3.
I R e o SN
(&) /—/mw(j c/(m(fmz,. Véi z # 2: f(z) = poo— =2+ 1, nén 3101_% f(z) =3.

f(z) lien tuc tai = 2 khi lim f(z) = f(2) & m = 3.

z—2

Chon dap an D.

$> Cau 5. Day s6 nao trong cac diy s6 sau day cé gidi han bang 17
2n

@) u, =n*+n. ®) a, = 5

2n
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1 2n?
n = —. bn — .
@ v n @ n—2
O Mocone din oidi. Tm(n? +n) = +00; lim —— — lim —=— — 1; lim = — 0; lim Z
T s 22 T

Chon dap an B.

3242 .
$© Cau 6. Gia tri cia P = lim Tt bang
z—1- . — 1
1
P Hazmj [/fg,zjlzfz(; Khiz —>1:32+2—>5>0vaz—1—0".
Vay P = —o0.
Chon dap an C.
2 .
) +1 khiz>0 __,
$ Cau 7. Cho ham s f(z) = 4 © "%~ Khéng dinh nao sau day sai?
T khi z <0

@ f(1)=2.
lim f(x)=1.
z—0*t
(©) Ham s6 f(z) lién tuc tai x = —1.
(D) Ham s6 f(z) lien tuc tai x = 0.
[} Ha‘o‘nj f/fZ/zJL'(z’z'. A ding: f(1)=124+1=2.

B dang: lim (2% +1) = 1.
z—0t
C dang: trén (—o0;0), f(z) = x 1a ham da thic nén lién tuc tai x = —1.

D sai: lim f(z) =0%# lim f(z) =1 nén f gian doan tai = = 0.
z—0~ z—07t

Chon dap an D.

$> Cau 8. Cho hinh chép S.ABCD c6 day ABCD. Goi M va N lan lugt 1 trung diém ctia SA
va SC. Khing dinh nao sau day ding?

@ MN//(ABCD). MN //(SAB). S
© MN//(SCD). ©) MN//(SBC).

D C
[ Had?f (/(5)271’(2[, Trong tam giac SAC, M N la duong trung binh nén M N // AC.
Vi AC € (ABCD) va MN ¢ (ABCD) nén MN //(ABCD).
Chon dap an A.

¢ Cau 9. Cho hinh chép ti giac S.ABCD c6 day ABCD 1a hinh binh hanh. Goi I, J lan lugt
la trung diém ctia SB, SD. Trong cac duong thing sau, duong thing nao song song véi 1.J?

® AB. . © AC. ® BD.
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[ Hmfy din giéi. Trong tam giac SBD, I.J 1a dudng trung binh nen I.J//BD.
C

Chon dap an D.
¢S Cau 10. Cho hinh chop S.ABCD, day 1a hinh thang c6 AB//CD. Giao tuyén ciia hai mit
phang (SAB) va (SCD) la

@A) SI,véi I = ADN BC. Sz, v6i Sz //AB//CD.

© Sy, véi Sy// AD. (D) SO, véi O = AC N BD.
(&) Hwo‘éz/a f/fz’/%zfézf. S la diém chung clia hai mat phang. Hai miat phing lan lugt chita hai duong
thing song song AB va C'D nén giao tuyén la dudng thang Sz di qua S va song song véi AB, CD.

Chon dap an B.
¢ Cau 11. Cho hinh lang tru tam giac ABC.A'B'C’. Khang dinh nao sau day la ding?

@) (ABC)//(AB'C). (BA'C")//(B'AC).

© (ABC")//(A'B'C). D) (ABC)//(A'B'C").
[} /-[uz)‘y a/(fléjzfd,zf. Hai ddy ctia hinh lang try ndm trong hai mit phang song song nén (ABC)//
(A'B'C").

Ba cap con lai cat nhau, chang han ¢ A, B, C: goi P = AB'N A’B thi P la diém chung ctia
(A'BC) va (AB'C"), ciing la diém chung ctia (BA'C') va (B'AC); goi R = AC' N A’C thi R 1a
diém chung ctia (ABC") va (A'B'C).

Chon dap an D.

2
Z b Z id
¢ Cau 12. Biét lir% rhrte :c2+ ‘_5s (b,c € R). Két qué dung cta bieu thic T'=0+ ¢ la
r— xr —

@ T =-5 ® T =-3. © T=1. ® T = —6.

(e Ha’dy diin oici. Gidi han hitu han vi mau tién vé 0 nén z = 2 1a nghiém cia ti: 4+ 2b+c = 0.
Khi d6 2° + bx + ¢ = (v — 2)(z + k) va lin%(x—i-k:) =2+k=5=k=3.
z—
Suyraz?+br+c=(x—2)(x+3)=2>+x—6,ticb=1, c= —6.
Vay T'=b+c= —5.
Chon dap an A.
Phan II. Tric nghiém diang sai Thi sinh trd [0i tw cau 1 dén ciu 2 moi i a) b) ¢) d) thi
sinh chon ding hodc sai
& Bai 1. Anh Huy sau khi ra truong va xin vao lam cho mot cong ty véi mitc luong khéi diém
14 102 trieu dong mot nam. Cit sau mdi nam, cong ty trad cho anh Huy s6 tién gap 1,2 1an sb tien
nam truée do. Goi u,, (tricu dong) 1a s6 tien luong ma anh nhan duge nam tht n. (Gia thiét anh
Huy lam viéc lién tuc & cong ty dé trong n nam ma khong nghi).
a) So tien luong anh Huy nhan duge nam thit ba 1a 122,4 trieu dong.
b) Tong s6 tien luong anh Huy nhan dudc sau 6 nam la trén 1 ti dong.
¢) Day 6 (u,) 1a cAp s6 nhan ¢6 u; = 102 va cong boi ¢ = 1,2.
d) Gia st mdi nam, anh Huy tiét kiem 35% s6 tién luong nhan duge thi sau it nhat 8 nam di
lam anh Huy du tién mua duge 1 chiée xe 6 to6 VF5 tri gid 537 trieu dong.

[} Haoiy cz/(z’/é/cz'(z’,,z'. c) Dbang. u,,1 = 1,2u, nén (u,) 1a cip s6 nhan véi u; = 102, ¢ = 1,2.
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

a) Sai. uz = uyq® = 102 - 1,2% = 146,88 (trieu dong). S6 122,4 14 luong nam thi hai.
6_1 1261

b)Dam;&f:mz_J:1m- 0

d) Dung. Tong tién tiét kiem sau n nam 1a T, = 0,35 S,, = 0,35 - 510 (1,2" — 1).
Véin = 7: Ty ~ 461,1 < 537.
Vé6i n = 8: Ty ~ 589,0 > 537.
Vay can it nhat 8 nam.

~ 1012,85 trieu dong > 1000 triéu dong = 1 ti dong.

& Bai 2. Xét tinh ding sai ctia nhitng khang dinh duéi day:

. 2025
a) Cho ham s6 g(z) = Epp ta co lirglJrg(x) = +00.
— X T—
2025 o ,
b) Ham s6 f(z) = g I lien tuc trén khoang (—oo; 3).

c¢) Ban An tinh tong ctia cac s6 tu nhien tit 1 dén 9 va ra duge két qua 1a mot s6 chinh phuong.
Quan sat qua trinh An tinh toan, Khang méi bao: “Cau da cong mot s t6i tan hai lan, tdng
nay gom 10 s6 chit khong phai 9 s6”.

bt 56 2+ 11n + 202
Biét s6 ma An da bi lip lai khi tfnh b a. Khi d6 lim 2002020 _

2n? +n — 2009
d) Cho day s6 (u,) v6i u, =an®+n—1véi a € R. Néu a =1 thi lilil u, = 1.
n—-+0oo

= —0OQ.

| 2025
l&f@%yd%7MAa)SﬁJﬁﬂx%S*ﬂﬁ&—x%Oﬂ2m5>0n&1Mn

=3t 33—
b) Sai. Ham s6 khong xac dinh taiz =1 (viz? —4x+3 = (x—1)(x —3) = 0) ma 1 € (—o0; 3),
nén f(z) khong lién tuc trén (—oo;3).
c) Sai. Tong 1 +24 --- 4+ 9 = 45. Tong sau khi cong lap a 14 45 +a v6i 1 < a < 9, titc
46 < 45+ a < 54 va 13 s6 chinh phuong nén 45 + a = 49, suy ra a = 4.
4n? +11 2025 4
Khi d6 lim 220290 25y
2n2 +n — 2009 2

1 1 N
d) Sai. Véia=1: u, =n?>+n—1=n? (1—1————2) — 400, khong bang 1.
n o n
Phan III. Cau tra 16i ngan Thi sinh trd 10 tu cau 1 dén cau 4
& Bai 1. Ham s6 y = f(z) ¢6 do thi nhu hinh bén. Gia tri ciia lim f(z) bang bao nhiéu
z—1—

Y
3

@)

[} Hao/n(/c din oiéi. Quan st dd thi, khi # — 1~ thi diém cia dd thi chay trén nhanh parabol vé

diém c6 tung do 3.
Vay lim f(z) = 3.

r—1—
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x> —3r+2

) ————— khix #2 11 . .
& Bai 2. Cho ham s0 f(x) = x—2 7 . Tinh lim J)+ 11 (két qua viet dudi
. z——oco Hx + 10
1 khi x = 2
dang s6 thap phan)
—1 -2

o Hmfy 5/(5127[(2’[. Véi x # 2: f(z) = (@ . )_(IQ 1)0 =z—1

11 10 1+ 1
Dods lim JEHIL_ =410 =02

z——oco bx + 10 z——oc0 b +10 z—-00bH + o 5
Dap sb: 0,2.
L 2 13z +40

& Bai 3. Biét rang lim G s L véi 2 1a phan s6 t6i gian. Tinh a + b.

a—=5 35— Tr b b

) . x*—13zx+40  (z—-5)(x—-8) . x—-8 -3 3

Suy raa=3,b="T7nén a+ b= 10.
& Bai 4. Tren tia Ox lay cac diem Ay, Ay, As,..., A,,... sao cho v6i mdi s6 nguyén duong n
théa man OA, = n. Trong ciing mot nita mat phang c6 bs la duong thang chia tia Ox, vé cac
nita duong tron duong kinh OA,, véi n = 1,2,3,.... Ki hiéu s; 1a dién tich nita hinh tron duong

kinh OA; v v6i mdi s6 n > 2, ki hiéu s,, 1& dién tich ctia hinh giéi han bdi nita dusng tron dudng
kinh OA,,_4, nia duong tron duong kinh OA,, va tia Oz (tham khéo hinh vé).

Chiing minh riang day s6 (s,) 12 mot cap sé cong. Tinh tong 2024 s6 hang dau tién ctia cap sd
cong do.

[} Huozzi a,/(zf/z:jzfd(ﬁ. Theo gia thiét OA, =n, n € N.

1 A\’
Tacéslz—-ﬂ-(O 1) =

™

2 2 8
Vi s, 1a dién tich ctia hinh gi6i han béi nita duong tron duong kinh OA,,_;, nita duong tron ducng
kinh OA,, nén

. :1.W.(0An>2_1 (OAn ) _l _)2_1.W.<n—1>2zw
" 2 2 2 2 2 2 8
T
4’

2n — 1 2n —
Dosn—sn_lz(n )7 (n =

8 8

Vn > 2 nén (s,) 1a cap s6 cong véi sd hang dau la

T g
=— ng sai d = —
517 8vaco/gsa =y
Tong 2024 s6 hang dau tien clia cap s6 cong (s,) 1a
T:22£~<2-—+2023-%>:5110727r.

Phan IV. Ty luan
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Chuong 2. LOI GIAI BO DE ON TAP cudI Ki 1

& Bai 1. Tinh cac giéi han sau:
o 2n24+5n—17
a) lim ———
n—+oo 5n? —n + 19

V3r—2—2
b) li

im
-2 —3x2 + 2x + 8

. 2n? + 5n — 17 2+ 2
S Vueong din g 2) lim S <

i 2
T =5
3 —6 3(z—2)
b) Taco =322 +2x+8=—Br+4)(zr —2)va3Br—2—-2= = .
) ( @ =2)v /3 —2+2 Br—2+2

V3r —2—-2 . 3 3 3

Suy ra lim

= lim = ——.
=2 =312 + 2 + 8  z-2 —(3z +4) <\/3:1:—2—|—2) —10-4 40
2 _
N , TR hies o )
& Bai 2. Ham s6 y = f(z) = x—1 . Tim a de ham so lién tuc tai diem
axr — 3 Jkhix <1
r =1

() Haony (/KL‘\IZJL'Q)L'. Ta c6 f(1) =a — 3.

lim f(z) = lim (ax —3) =a— 3.
z—1" T—1—

. . (z=1(z-3) .
| =1 =1 —3) = —-2.
S S = Ty e d)
Ham s6 lién tuc tai v =1 khi vachi khia —3 = -2 a = 1.

Vay a = 1.

& Bai 3. Dé chao xuan At Ty 2025, mot trung tam tai chinh muén ding 30025 dong tién xu dé
xép mot mo hinh kim ty thap. Biét rang tang dudi cing c6 2401 dong va ctt len them mot tang
thi s6 dong xu gidm di 100 dong, héi mo hinh kim tu thap nay c6 tat ci bao nhiéu tang?

(2} Hao/n(j a/é/z(jzfdz, Goi u, 1a s6 dong xu & tang thi n (tinh tit duéi len). Theo de, ta duge (u,)

1 cap s6 cong c6 u; = 2401 va cong sai d = —100. Goi k 1a s6 tang xép dudc, k € N*,
2 k—1)d| -k
5 = & u1+(2 J -k _ 50095
& [2-2401 4 (K — 1) - (—100)] - £ = 60050
& —100k% 4 4902k — 60050 = 0

k=25 (nhan)
g 1201

Vay mo hinh nay c6 25 tang.

& Bai 4. Cho bén diém khong dong phang S, A, B, C. Goi I, H lan luct la trung diém ctia SA, AB.
Tren SC lay diém K sao cho I K khong song song véi AC (K khong tring véi cdc dau mut). Tim
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giao diem F clia dudng thang BC v6i mit phang (THK).

[} Haoiy (z/(glé/ﬁz'(z’,z'.

¢ Chon mit phang phu (ABC) chiia dudng thang BC.

& Taco H la diém chung thit nhit ctia hai mat phang (ABC) va (IHK) (vi H € AB C (ABO)
va H € (IHK)).

& Trong mat phang (SAC), goi F = IK N AC (do IK khong song song v6i AC).

& ViF elK C (IHK)va F € AC C (ABC) nén F la diém chung tht hai cia (ABC) va
(THK).

& Suy ra giao tuyén ctia hai mat phang (ABC) va (IHK) 1a duong thang HF.
& Trong mat phang (ABC), goi E = HF N BC.
® Taco BEe BCvaEe HF C (IHK), do d46 E = BC N (IHK).
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