CHUYEN PE PUONG THANG VA MAT PHANG TRONG KHONG GIAN
QUAN HE SONG SONG
BAI GIANG HAI MAT PHANG SONG SONG
Muc tiéu
% Kién thic
+ Nhan biét duoc hai mit phing song song.
+ Nhan biét dugc hinh lang try, hinh hdp va hinh chop cut.
s Kining
+  Chimg minh dugc hai mit phing song song véi nhau.

+  Ap dung tinh chat song song vao bai toan tim thiét dién cta hai mat phang.
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I. Li THUYET TRONG TAM
Dinh nghia
Hai miat phang goi 1a song song néu chung khong c6 diém
chung.
Vi tri twong d6i ciia hai mit phing
Vi hai mit phang phan biét va c6 thé xay ra mot trong hai

truong hop sau:
(@) ()=
+(a) 11 (B).
Pinh li 1. Néu mit phang chira (a) hai duong thang a, b cit
nhau va cliing song song v4i mit phang ( o) ) thi (a) song song
véi (B).
ac (a) ,bc (a)
anb={A} = (a) 11 (B).
all (B).b 11 (B)
Pinh li 2. Qua mot diém ndm ngoai mot mit phang, c6 mot va
chi mot mit phang song song v&i mit phang do.
H¢ qua 1: Néu duong thing a song song véi mit phing
(a) thi c6 duy nhit mot mét phing ( o) ) chtra a va song song
véi (a).
Hé qua 2: Hai mit phang phan biét ciing song song voi
mit phang thir ba thi song song nhau.
Pinh li 3. Néu hai mit phéng (a) va ( i) ) song song thi moi
mit phing ( 7) da cit (a) thi phai cit ( ﬂ) va cac giao tuyén
cua chung song song.

{(a) 1A oot

(7)ﬁ(a)=a allb

Hinh lang tru va hinh hép.

Hinh ling tru. Cho hai mit phang (a) va (a’) song song
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nhau. Trén (a) cho da giac A/A,...A .Qua cac dinh
ALA,,...,A V€ cac dudng thang song song vdi nhau lan luot
cét (a') tai A/,A],...,A!. Khi d6 hinh hop boi n hinh binh hanh
AAAAAAAA,..,AAAA vahaida gidc
AA,..AAA .. A goila hinh ling tru. Ki hi¢u
AA,..A AA LA
+ Mit bén: 1a cic hinh binh hanh A A/ AJA";A A AJA;...
+ Mt day: 1a hai da giac AA,..A ;A/A]..A
+ Canh bén: 1a cdc doan A A A A);...;A A
+ Canh day: 1a cac canh cua da giac day.
+ Dinh: 1a cac dinh cta da giac day.
Luuy:
+ Tuy theo da giac day ma ta c6 tén goi hinh lang tru tuong
ung.
+ Hinh lang tru c6 day la hinh binh hanh thi duoc goi 1a hinh
hop.
+ Hinh lang tru c6 day va cac mat bén la hinh chit nhéat thi dugc
goi 1a hinh hdp chit nhat.
+ Hinh lang tru c6 day va cic mét bén 1a hinh vuong thi dugc
goi 1a hinh 18p phuong.

Hinh chép cut
Cho hinh ch6p S.AA,...A va mat phang (a) khong qua S,
song song v&i mat day va cit cac canh SA,S8A,,....SA, lan luot
tai A/,A,...,A’. Khi do, hinh hop boi da giac
A/A..A',AA,..A vacac hinh thang
AAAALAAAA,..,AAAA dugc goila hinh chop cut.
Ky hi¢u: AA,..A AA..A.
Trong do:
+ Day 1on la da giac AA,...A .
+ Ddy nho 1a da gidc A/A)...A].

+ Mt bén 1a cac hinh thang A A AJA,A /A AA,..,AAAA.
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SO PO HE THONG HOA

; s [ Hai mét phang goi 1a song song néu
ErRngad ching khéng c6 diém chung. j
A
bc a'}
: anm b =(a) ! (B)
HAI MAT PHANG all ,if} b i ﬁ]

SONG SONG

m

Y
Qua mot diém nadm ngoai mot mat
Cacdinh i 1 pinh I 2 phéng, c6 mot va chl mdt méat phéng
song song véi mét phéng do

II. CAC DANG BAI TAP
Dang 1: Chirng minh hai mit phing song song
<+ Phuong phap giai

Str dung tinh chat:
all (Q)
b1l (Q) =(P) 1 (Q).
a,bc (P),amb =

Luu ¥: {EZPC) (// (©) =d I (Q).

P)

(r)n(z)=a |allb

Vi du: Cho ttr dién ABCD c¢6 M, N, P lan luot 1a
trong tdm ciia AABC,AACD,AABD.

Chimg minh réng (MNP) // (BCD).

Hudéng din giai

Goi 1, J, K 1an luot 1 trung diém AC, AD, AB.

Xét AIBD ¢6 IM jg :1)) nén MN // BD.

B
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Suy ra MN // (BCD).

Xét AJBC c¢6 %zﬂzl nén NP // BC.
IB ID 3

Suy ra NP // (BCD).
MN 1/ (BCD)
Tacé {NP // (BCD)
MN,NP c (MNP),MNmNP :{N}
:(MNP) / (BCD).
4 Vidu miu

Vi du 1. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N, P lan luot 1a trung diém S4,
SB, SC.

a) Chimg minh (MNP) // (ABCD).
b) Goi Q la giao diém ctia (MNP) va SD. Chimg minh t&t gidc MNPQ la hinh binh hanh.

Huéng dén giai

a) Taco MN // AB, AB = (ABCD)=> MN I/ (ABCD).
Tuong ty NP // BC, BC = (ABCD)= NP // (ABCD).

MN // (ABCD)
Taco {NP /| (ABCD) = (MNP) / (ABCD).
MN NP < (MNP),MN " NP = {N}

b) Ta cé SD < (SCD).

Xét hai mijt phing (MNP )va (SCD) c6 P e(MNP)(SCD)

= (MNP)~(SCD) = Px

, {CD <(SCD).MN < (MNP)
Ta céd
MN // CD

sao cho Px // CD /| MN. (vi MN // AB theo tinh chit duong trung binh va CD // AB)
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Trong (SCD) goi PxnCD ={Q}. Suy ra (MNP)(‘\CD ={Q}.
Ta c6 (MNP)N(SCD)=PQ nén PQ//CD//MN suy ra Q la trung diém cia SD va

MN=Lag=Lcp = PQ.
2 2

Viy tir giac MNPQ 1 hinh binh hanh (cip canh ddi song song va bang nhau).
Vi du 2. Cho hinh liang try tam giac ABC.A'B'C’. Goi M, N lan luot 1a trung diém cua A'B’ va AB.
Chémg minh (AMC') // (CNB').

Huéng dén giai

Taco MN // AA’,AA’ /] CC' = MN // CC' va theo tinh chét hinh lang tru
thi MN =CC' nén t& giac MNCC' 1a hinh binh hanh va CN // MC'.

{CN /I MC'

MC' < (AMC) = CN /I (AMC").

Mat khac AN // BM,AN = B'M nén t& giac ANB'M 1a hinh binh hanh
va NB' /| MA.

NB' /| MA
Ta co

MA (AMC) = NB' I/ (AMC").

CN I/ (AMC')
NB' I (AMC')
CN,NB' < (CNB')
CN NNB'={N}

Lai ¢6 = (AMC’) /I (CNB').

Vi du 3. Cho hinh lap phwong ABCD.A'B'C'D’, ¢6 M, N, P lan luot 1a trung diém cia cac canh AD, DC,
DD'. Chimg minh rang (MNP) song song voi (ACD').

Hwéng din giai

Xét AADD' ¢ MP //AD', ma AD' < (ACD')=> MP I/ (ACD').

Tuong ty trong AACD ¢6 MN // AC, ma AC =(ACD')= MN I/ (ACD’)
MP /| (ACD)

MN I/ (ACD')

MN,MP c(MNP)'
MN A MP = {M}

Ta co

B}

Suy ra (MNP) /I (ACD').
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Vi du 4. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tdm O. Goi M, N lan luot 14 trung diém
cua cac canh S4, SD.

a) Chimg minh ring (OMN ) song song véi (SBC).

b) Goi X 1a trung diém OM. Chiing minh NK // (SBC).
Huéng din giai

a) Ta c6 ON // SB,SB < (SBC)=> ON // (SBC) va
OM 1/ SC,SC < (SBC)= OM /I (SBC).

Lai c6 OM,ON <(OMN).

Suy ra (OMN ) // (SBC).

(OMN) 11 (SBC)
NK < (OMN )

b) Ta cé{ = NK // (SBC).

Vi du 5. Cho hai hinh vudéng ABCD va ABEF & trong hai mit phing phan biét. Trén cac dudng chéo AC
va BF lan luot 1ay cac diém M, N sao cho AM = BN. Cac dudng thing song song v6i AB vé& tir M, N lan
luot cit AD va AF tai M' va N'.

Chirng minh:

a) (ADF) Il (BCE).

b) (DEF) Il (MM'N'N).

Huéng din giai

AD /I BC

BC (BCE) = AD /J/ (BCE).

a) Taco {
AF /| BE

BE (BCE): AF I/ (BCE).

Tuong tu {

Ma {AD = (4pF) = (ADF) /I (BCE).

AF (ADF)
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b) Vi ABCD va (ABEF) la cac hinh vuong nén AC = BF (1).

Tacd MM' I/ CD:AﬂJ‘—M; (2)
AD AC

NN' /AR — AN _ BN (3)
AF  BF

Tir (1)(2) va (3) ta duoc i‘x_ﬂg =f‘4—11\£’:> M'N' I/l DF
= DF /| (MM'N'N ).

Lai c6 NN' // AB=> NN' /| EF = EF // (MM’N'N).

Vay BF 11 (MM = (DEF) Il (MM'N'N).

A {DF /I (MM'N'N)

+ Bai tip tu luyén dang 1
Cau 1: Tim ménh dé dung trong cic ménh dé sau day.

A. Néu hai mat phang (P) va (Q) song song v6i nhau thi moi duong thiang ndm trong mit phing (P)
déu song song v6i mit phang (Q)

B. Néu hai mit phing (P) va (Q) song song v&i nhau thi moi duong thang nim trong mat phang (P)
déu song song véi moi duong thang nam trong mit phang (Q)

C. Néu hai dudng thing song song véi nhau lan luot nim trong hai mét phing phan biét (P) va (Q)
thi (P) va (Q) song song voi nhau.

D. Qua mot diém nam ngoai mdt phang cho trudc ta v& duoc mot va chi mot duong thang song song
v6i mit phang cho trudc do.
Cau 2: C6 bao nhiéu mit phang song song véi ca hai duong thang chéo nhau?

A. V0 sb. B. 3. C.2. D. L.
Ciu 3: Hay chon khang dinh sai.

A. Néu mit phang (P) chtra hai dudng thang cung song song véi mit phang (Q) thi (P) va (Q)
song song v&i nhau.

B. Néu hai miat phang song song thi moi dudng thing ndm trén mit phang nay déu song song v4i mat
phang kia.

C. Néu hai mit phing (P) va (Q) song song nhau thi mt phing (R) da cit (P) déu phai cat (Q) va
céc giao tuyén cua chung song song nhau.

D. Néu mot dudng thang cat mot trong hai mat phang song song thi s& cit mat phang con lai.
Céu 4: Cho hai hinh binh hanh ABCD va ABEF nam trong hai mit phang phan biét. Két qua nao sau day
dung?

A. AD /| (BEF).  B.(AFD) I/ (BEC).  C.(ABD)// (EFC).  D. EC// (ABF).
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Ciu 5: Cho hinh chop S.ABCD véi day ABCD 1a hinh binh hanh. Goi 7, J, K, L lan luot 13 trung diém cta
SA4, SB, SC, SD. Ménh dé nao sau day ding?

A. (UK) /I (BCD). B. (IKL) // SA. C.IKc (SBC). D. JL // SC.

Céu 6: Cho ling tru ABC.A'B'C’ c¢6 mit bén 1a cac hinh chit nhat. Goi D' 1 trung diém ctia A'B’ khi d6
CB' song song voi

A. AD'. B. C'D'. C. AC'. D. (AC'D').
Céu 7: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdim O. Goi M, N lan luot 1a trung diém
ctia S4 va SD. Trong cac khang dinh sau, khing dinh nao sai?

A. OM // SC. B. MN // (SBC). C. (OMN) /I (SBC). D. ONNCB = @.

Dang 2: Tim thiét dién nho quan hé song song
+ Phwong phap giai Vi du 1. Cho hinh chép S.ABCD c6 day ABCD
- Khi (a) /] ( ﬂ) thi (a) s& song song v&i moi 1a hinh binh hanh tdm O. Tam giac SBD déu.
, C . Mot mat phang (P 5i (SBD) va di
duong thang trong ( ,B) va ta chuyén vé dang thiét Ot mdt phang ( ) Song song vo ( ) vad
dién song song v6i duomg thing qua diém 7 thugc canh AC (khéng tring véi 4
( ) /) ( ,3) hodc C). Tim thiét dién ctia (P) va hinh chop.
a

-Taco (ﬂ)m(y) =d = (a)m(y) —d'//d.Meq. Huéng dan giai

M e (a)r\(}/)
- Tim dudng thing d nim trong ( p ) va xét cac mat

phéng c6 trong hinh chép ma chita d, khi d6 (a) // d

nén s€ cat cac mat phang chtra d (n€u co) theo cac

giao tuyén song song véi d.

Goi {0} = ACNDB.

Do SO nim trong (SBD) nén SO // ().

Mat phing (SAC) chira SO va c6 diém chung
voi () 1a I do 46 (SAC)n(a)=IK véi
IK // SO va K € SA.

Tuong tw (SAB)N(a)=KE v6i KE /I SB va
EcAB.

(SAD) m(a) = KFvé6i KF // SD va F e AD.

Suy ra thiét dién ctia (P) voi hinh chép S.ABCD
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la tam giac KEF.

Tacs EF _AE_AF_AK _KE_KF
BD AB AD AS SB SD

= ASBD dong dang v6i AKEF.
Tam giac SBD la tam giac déu nén AKEF ciing
1a tam giac déu.

Vay thiét dién cta (P) va hinh chép S.4BCD la

tam giac deu.

+ Vidu miu
Vi du 1. Cho hinh ling tru ABC.A'B'C". Goi I, J, K lan luot 1a trong tdm tam giac ABC,ACC’,AB'C’.
Chémg minh (1JK) // (BB'C).

Hwéng din giai

Goi M, N, P lan luot 1a trung diém BC,CC";B'C'.
Do I J, K lan lugt la trong tdm tam giac ABC, ACC' nén = nén

1J /I MN = 1] Il (BCC'B').

Tuong ty IK // (BCC'B')=(1IK) I/ (BCC'B').

Hay (1JK) // (BB'C).

Vi du 2. Cho hinh chép cut tam giac ABC.A'B'C’ ¢6 hai day 1a hai tam giac vudng tai 4 va A" va co

. S .
% = % Khi d6 ti s0 dién tich —*42<- bang bao nhiéu?

AA'B'C’

Huéng din giai
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1 .
—AB.AC.sinA
X S
Hai tam gidc ABC va A'B'C' dong dang A'B, = B,C, = C:A, 1L nén —mc __ 2 =
AR BC CA 2 Suwe Lapacisina
2

1

Cach khac: Ti s dién tich hai tam gidc dong dang bang binh phuong ti s6 dong dang nén
Swse _(1) _1
SAA’B'C' 2 4.
Vi du 3. Cho hinh chép tir gidc déu S.ABCD c6 canh day bang 10. Goi M la diém trén S4 sao cho

M 2 . . . . .
i’_A =3 Mot mat phang (a) di qua M song song voi AB va CD, cit hinh chop theo mot tir gidc. Tinh

dién tich tu giac do.

Huéng din giai

Qua M dyng dudng thang song song AB cit SB tai N.
Qua M dung dudng thing song song AD cit SD tai Q.
Qua N dung dudng thing song song BC cit SC tai P.
, {MN /I AB=> MN I/ (ABCD)
T = (MNPQ) I/ (ABCD).

NP // BC = NP // (ABCD)

S 2 2
Ta c6 ti 1¢ dién tich M:[MNJ :(SM] _4

ABCD AB SA 9
Laico S,,,,=10.10=100=S,,.., :100'3249&'
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Vi du 4. Cho hinh chop S.ABCD véi ABCD la hinh thoi canh a, ASAD 1a tam giac déu. Goi M 1a mot
diém thudc canh 4B, AM = x, (P) 12 mat phing qua M song song véi (SAD). Tinh dién tich thiét dién
ctia hinh chop cit boi mat phang (P)

Huéng dén giai

Do (P) di qua M va song song voi (SAD) nén cit cac mit cua hinh chop bang cac giao tuyén di qua M
va song song vodi (SAD). Do ABCD 14 hinh thoi va tam giac SAD déu. Nén thiét dién thu duoc 1a hinh
thang can MNEF (MN // EF;MF =EN)).

Taco MN=a, ZE_SE_MA_X | e v MF=a—»x.
BC SB AB a

@(H).

2
. MN —EF
Puodng cao FH cua hinh thang can bang FH = \/MFZ _[NTj =

Khi d6 dién tich hinh thang can 1a § = g(a2 - xz)

+ Bai tip tu luyén dang 2
Céau 1: Cho hinh hop ABCD.A'B'C'D’. Ménh dé nao sau day sai?

A. (ABB'A') Il (CDD'C'). B. (BDA') Il (D'B'C).

C. (BA'D') I/ (ADC). D. (ACD') /I (A'C'B).
Ciu 2: Ménh d nao sau day sai?

A. (BA'C') Il (ACD). B. (ADD'A") I (BCC'B').

C. (BA'D) Il (CBD'). D. (ABA") I/ (CB'D).

Ciu 3: Pic diém nao sau day dang voi hinh ling try?
A. Hinh lang try cé tat ca cac mit bén béng nhau.
B. Day cua hinh lang try 1a hinh binh hanh.
C. Hinh lang tru c6 tat ca cac mat bén 1a hinh binh hanh.

D. Hinh lang tru c6 tat ca cac mit 1a hinh binh hanh.
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Cau 4: Trong hinh hop (hoac lang tru, hodc hinh chop cut) doan théng ndi hai dinh ma hai dinh dé khong
cung nam trén mot mat nao cua hinh hdp (hodc hinh lang try, hoac hinh choép cut), dugc goi la duong
chéo cta n6. Tim ménh dé dung.

A. Hinh lang try tt giac co cac duong chéo dong quy.

B. Hinh lang tru c6 cac dudng chéo duong chéo dong quy.

C. Hinh chop cut ¢6 cac duong chéo dong quy.

D. Hinh hop c6 cac duong chéo dong quy.
Céu 5: Cho hinh chép S.ABCD véi day ABCD 1a hinh binh hanh. Goi 7, J, K, L lan luot 14 trung diém cua
SA4, SB, SC, SD. Ménh d& nao sau diy ding?

A. (LIK) I (BCD). B. SA// (IKL). C. IK =(SBC). D. JL // SC.

Céu 6: Cho hinh hop ABCD.A'B'C'D’ (céc dinh 1y theo thir tyr d6), AC cit BD tai O con A'C’ cat B'D’
tai O'. Khi do (AB'D') s& song song véi mit phang nao dudi day?

A. (A'0C). B. (BDA'). C. (BDC'). D. (BCD).
Cau 7: Cho hinh Iap phuong ABCD.A'B'C'D', goi I la trung diém clia A'B'. Mt phing (IBD) cét hinh
hop theo thiét dién 1a hinh gi?

A. Hinh chir nhat. B. Hinh thang. C. Hinh binh hanh. D. Tam giac.
Céu 8: Cho hinh hop ABCD.EFGH, goi I, J 1an luot 14 tim cua hinh binh hanh 4BCD va EFGH. Khang

dinh nao sau day la sai?

A. (ABCD) Il (EFGH). B. (ABFE) I/ (DCGH ). C. (ACGE) // (BDHF). D. (ABJ) // (GHI).
Ciu 9: Phat biéu nao dudi ddy 1a dinh 1y Ta-1ét trong khong gian?

A. Ba mit phang song song chin trén hai cét tuyén song song cac doan thang tuong tng ti 18.

B. Ba mit phing song song chin trén hai cat tuyén bét ki cac doan thing twong ing bang nhau.

C. Ba mit phang song song chén trén hai cat tuyén bat ki cac doan thang tuong tmg ti 1¢.

D. Ba mit phing song song chin trén hai cat tuyén song song cac doan thang twong (mg bang nhau.
Cau 10: Cho hinh lang tru ABC.A'B'C’, goi M, N theo thtr tu la trong tdm cia cac tam giac ABC va
A'B'C'. Thiét dién tao béi miat phang (AMN ) v6i hinh lang try da cho 1a

A. hinh binh hanh. B. hinh tam gidc vuong. C. hinh thang. D. hinh tam giac can.

Céu 11: Cho hinh lap phuong ABCD.A'B'C'D', goi M, N, P lan luot 1a trung diém cua cac canh
AB,B'C',DD'. Khéng dinh nao sau day sai?

A. mp(MNP) khong song song v4i mp (BDC’).

B. mp (MNP) cit 1ap phuong theo thiét dién 1a mot luc giac.

C.mp (MNP) di qua tam cua hinh 1ap phuvong ABCD.A'B'C'D’ .

D. mp(MNP) di qua trung diém cta canh BB'.

Ciu 12: Cho hinh vuéng ABCD va tam giac déu SAB nam trong hai mat phang khac nhau. Goi M 1a diém
di dong trén doan AB. Mit phang (a) di qua M song song voi (SBC ) cat hinh chop S.ABCD theo thiét

dién la
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A. hinh binh hanh. B. hinh vudng. C. hinh tam giac. D. hinh thang.
Cau 13: Cho hinh chép S.4BC c6 ddy ABC thoa min AB=AC =4, BAC =30°. Mt phing (P) song
song v&i (ABC ) cit SA tai M sao cho SM =2MA. Dién tich thiét dién cua (P) va hinh chép S.ABC bang

bao nhiéu?

A. E B. é C. E D. 1.

9 9 9
Cau 14: Cho hinh chop S.ABCD c6 day C la hinh thang can v6i canh bén BC =2, hai day

AB =6,CD =4. Mit phing (P) song song voi (ABCD) va cit canh SA tai M sao cho SA =3SM. Dién

tich thiét di¢n cta (P) va hinh chép S.4BCD béng bao nhiéu?

23 73 53

A. —3 B. —3 C.2. D. —.
3 9 9
Cau 15: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O, AB =8,SA =SB =6. Goi (P) la

mit phang di qua O va song song véi (SAB). Tinh dién tich thiét dién cua (P) va hinh chop S.ABCD.
A. 12. B. 6+5. C. 5V5. D. 13.
A 3 , r \ [ . A A SM .
Cau 16: Cho hinh chép S.ABC c6 M 1a diém di dong trén canh SA4 sao cho A = k(k eR,0<k< 1). Goi

(a) 1a mat phang di qua M va song song v6i mit phang (ABC ) . Tim k dé mit phang (a) cat hinh chép
S.ABC theo mdt thiét dién c6 dién tich bé’mg mot ntra dién tich tam giac ABC.

ak=V2 Boa=l ca=P b=l
2 3 2 2
Céu 17: Cho hinh hop ABCD.A'B'C'D’ ¢6 tat ca cac mat bén déu 1a hinh vudng canh a. Cac diém M, N
lan luot trén AD', BD sao cho AM = DN = x (O <x< a\/a ) Khi d6 véi moi gia tri x thi duong thang MN
song song v4i mat phang nao sau day?

A. (AD'C'B). B. (A'DC'B). C. (A'D'CB). D. (ADC'B').

THAM KHAO DE KIEM TRA 15 PHUT SO 3 VA SO 4
THAM KHAO DE KIEM TRA 45 PHUT SO 3 VA SO 4
THAM KHAO BE KIEM TRA HOCKi SO 1 VA SO 2

DAP AN VA LOI GIAI BAI TAP TU LUYEN

Dang 1. Chirng minh hai mit phing song song

1-A 2-A 3-A 4-B 5-A 6-D 7-D
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Cau 2.

Goi hai duong thang chéo nhau 1 a va b, ¢ 1a duong thing

song song vdi a va cit b.
Goi mit phing (a)z(b,c) Doallc=all ( c /
s 9 5 - < A /
Gia st mdt phang (,B) 1/ (a) ma b c( ):> b //

Mait khac a // (a):> all (ﬂ) C6 v6 s6 mit phing ﬁ’ //

Nén ¢6 vo sb mit phang song song vdi ca hai duong thang chéo nhau.

Cau 3.

Néu mit phing (P) chtra hai duong thing a va b cing song song véi mit phang (Q) va a /l b thi
(P) va (Q) ¢6 thé khong song song véi nhau.

Cau 4.

Cau 5.
Ta co:
{IK /I AC,AC < (ABCD) {IK /I (ABCD)

1J 1/ AB,AB < (ABCD) 1J /I (ABCD) = (LK) Il (BCD).

Chon A.
Cau 6.
Goi M la trung diém cta AB. y .
B'M /| AD' D
Ta c6 = (AC'D') /I (B'CM) = CB'// (AD'C')
D'C' /| CM B’
Adez------ c
M
B
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Cau 7.

{OM /I SC

Ta co = (OMN) /I (SBC)

ON // SB
Suy ra ON va BC khéng thé cit nhau nén D sai.

Dang 2. DPic diém hinh hép, ling tru. Tim thiét dién nho quan hé song song

1-C 2-D 3-C 4-D 5-A 6-C 7-B 8-C 9-C 10-A
11-A 12-D 13-A 14-D 15-B 16-A 17-C
Cau 1.
A’ D'
Ta c6 (BA'D')=(BCD'A’) va (ADC)=(ABCD). :
' 1
Ma (BCA'D')"(ABCD)=BC, suy ra (BA'D') // (ADC) sai B : e
YR —eo D
Chu 2. B« c
Ta c6 {Bf",” e = (BA'C") I/ (ACD').
A'C' Il AC A D
AD [/ BC . . '
{AA, P (ADD'A’) I (BCC'B). 5 : %
]
2aY4 ]
{BD /8D = (BA'D) I/ (CB'D') el | ---7D
A'D /| BC s
B c

Mat khac B' € (ABA")"(CB'D’')=> D sai.

Cau 3.

Ta c6 thé lay hinh lang tru c6 day 1a tam giac thuong s& thay cac cau con lai sai.

Cau 4.

Vi trong hinh hdp ctr hai dudng chéo déng ph'fmg tao nén hinh binh hanh, nén chung luén cit nhau tai

trung diém ciia mdi duong.
Cau S.

) {11( // AC

acdy e = (IJK) /I (BCD).
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Cau 6.

BD /| B'D' (AB'D')
Tac6 {DC' //AB'c(AB'D') nén (AB'D') /I (BDC’).
BDmDC':{D}

Cau 7.

Goi {J} = A'D'~(IBD).

Ta c6 thiét dién ctia mat phang (IBD) va hinh hop la tr giac IJDB. / ; ! 3 i

At L) :
(ABCD) 1/ (A'B'C'D') N i
Vb

Mat khac {(IBD)n(A'B'C'D')=1J = 1J I/ BD (LN
(IBD)~(ABCD) = BD Bioo e 6

— [JDB 14 hinh thang. Ak D

Cau 8.

Ta c6 ACmBD:{I} va EGmHF:{J} nén

(ACGE)~(BDHF)=1J.

Nén C sai.

Cau 9.

Ba mit phing d6i mot song song chin trén hai cat tuyén bat ki nhirng doan thing twong tng ti 18.

Cau 10.
Tacd N e AT' va M e Al (A'l' 1a trung tuyén ciia AA'B'C’ va Al 1a trung tuyén ciia AABC)
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Do do mp(AMN) cling chinh la mp(A’I’IA).

Ta ¢ (AA'I'I) A (A’B'C’) = A'I';(AA'I'I) m(ABC) = Al

(AA'I'I)m(BCC'B') =11

Vay thiét dién tao voi mp (A'I 'IA) va hinh lang tru ABC.A'B'C' 1a

tu giac AA'TT.

Mat khac I1' // CC" (duong trung binh trong hinh binh hanh

CC'B'B)va CC' // AA" (tinh chét hinh ling tru).
Do d6 II' /1 AA'.

II'=CC" (duong trung binh trong hinh binh hanh CC'B'B))

va CC'=AA' (tinh chit ling tru). Do d6 II' = AA'.
Vay tr giac AA'I'l 1a hinh binh hanh.
Cau 11.
Goi S, R, Q lan luot 14 trung diém ctia AD, C'D’, BB'.
Dé thdy, MS // NR;
PS I/ ON;
MQ I/ PR.
= M, S, P, R, N, Q dong phang.
Lai c6 MS // BD = MS // (BDC');

PS /I NQ Il BC'= PS Il (BDC').
Vay (MNP) /I (BDC).
Cau 12.
Goi MN =(a)(ABCD) véi N eCD, tacé

{(a) 1 (SBC)

(SBC)n(ABCD)=BC = MN /I BC.

Goi NK = (a)m(SCD) v6i K e SD, ta co

{(a) 7 (s50)

($BC)(scp)=sc = KN 11 5C.

Do MN // BC // AD nén MN // (SAD).

Goi KQ=(a)n(SAB) véi Q € SA, taco KQ /I AD.

Viy thiét dién ctia hinh chop S.ABCD cit boi mat phang (a) 1a hinh thang MNKQ c6 day MN va OK.

Cau 13.
Puong thang qua M song song véi AB cit SB tai N.
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Puong thang qua N song song voi BC cat SC tai P.

MN I/ AB= MN // (ABC) s
Ta co = (MNP) I/ (ABC).

MP /| AC = MP I/ (ABC)
Goi h, 1a duong cao cia AMNP tng véi day MN. M P
Goi h, la dudng cao cua AABC Ung v6i day AB. A Z

X . h
Dé thay AMNP dong dang AABC ta cé MN _ & _SM_ z
AB h, SA 3 B
1h MN

Ta co o _ 2 - =g.g=i

s ;hz.AB 339

Laico S, = %AB.AC.sinELX\C - %.4.4.sin 30°0=4

Semerr=a 2210
9

= Syune = Saasc 9

Cau 14.
Trong mit phiing (SAD) ké MN // AD, (SDC) ké NP // DC,
(SBC) ke PQ I/ BC.
Suy ra thiét dién ctia (P) va hinh chép S.ABCD la tir gidc MNPQ.

Goi CH la dudng cao trong hinh thang ABCD ta c6

CH =~2* -1 =+3.

Suyra S = (AB-;DC) CH = (4;6) .\/525\/5.

ABCD —

Do MNPQ dong dang v6i ABCD theo ty s6 k =% nén S, = 53# = %

Cau 15.

Qua O dyng dudng thang PQ // AB.

Viay P, O lan luot 13 trung diém ctia 4D va BC.

Qua P dung dudng thang PN // SA.

Viay N 1a trung diém cta SD.

Qua Q dung dudng thing QM // SB.

Vay M la trung diém ctua SC. N6i M va N

= thiét di¢n ctia (P) va hinh chép S.ABCD la tir giac MNPQ.

Vi PQ /| CD;MN I/ CD = PQ /| MN.
Vay tu gidc MNPQ la hinh thang.
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Taco PQ=AB=8;MN=%AB=4;MQ=NP=%SA=3.

Vay MNPQ la hinh thang can.
Goi H la chan duong cao ha tur dinh M cua hinh thang MNPQ.

Khi d6 ta ¢6 HQ=%PQz2:>MH=\/MQ2—HQ2 -5.

(MN + I;Q).MH o3

Viy dién tich cua thiét dién can tim 1a S =

Cau 16.
Goi N, P 14 hai diém lan lugt thudc SB, SC thoa man s
MN 1/ AB,MP /| AC.

MN // AB= MN I/ (ABC)
Ta ¢6 = (MNP) / (ABC).

MP I/ AC = MP I/ (ABC)
Goi h, la dudong cao cia AMNP g voi day MN.
Goi h, la dudong cao cia AABC Ung v6i day AB.

5 .2 X M h
Dé thay AMNP dong dang AABC ta co MN A k.
AB b,

Vay dé théa man yéu cau bai toan

1

Lh.MN
Sune 2" L L2
SAABC lh.AB 2 2 2

2

Cau 17.

Do tit ca cac mit bén déu 1a hinh vudng canh a nén theo tinh chit
hinh hdp ta c6 ABCD ciing 1a hinh vudng canh a. Suy ra

BD = AD'=a\2.
QuaNké NK //AD v6i K € AB. QuaMké MI /| A’'D' véi I € AA'.

, BK BN BA-KA BD-ND KA ND
TacO) —=—< = o=
BA BD BA BD BA BD

aND:AM:AI.Dod(Sﬁ:ﬁ:IK//A'B.
BD AD' AA’ AA"  AB

Tac6 I €(MNK) do IM // KN // AD. Suy ra MN < (MNIK) /I (A'D'CB).

Vay MN song song voi mat phang (A'D’CB) véimoi 0<x < a2.
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