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Chuyén dé LUONG GIAC Toan 11 KNTT

) CHUONG I . )
HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

Chii dé 1: GIA TRI LUONG GIAC CUA GOC LUONG GIAC
L. TOM TAT LY THUYET
1. GOC LUONG GIAC
a. GOc lwong giac
Trong mit phang, cho hai tia Ou,0v. Xét tia Om cling nam trong mat phang nay. Néu tia Om

quay quanh diém O, theo mot chiéu nhat dinh tt Ou dén Ov, thi ta néi nd quét mot goc

lwong gidc v6i tia ddu Ou, tia cuéi Ov va ki hiéu | (Ou,0v)

Quy wéc: Chiéu quay nguoc véi chiéu quay cta kim dong ho 1a chiéu dwong, chiéu quay
clingvdi chiéu quay cta kim dong ho la chiéu am.
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b. S8 do goc lwgng giac
Khi tia Om quay géc «° thi ta noéi goc luong gidc ma tia d6 quét nén cd sd do a°. S6 do cia

gbc lwgng gidc gidc cb tia dau Ou, tia cudi Ov duoc ki hiéu 1a | sd(Ou,Ov)
Nhan xét:

Moéi géc lwgng gidc goc O dwoc xdc dinh béi tia diu Ou, tia cudi Ov va s6'do ciia né
Chu y:

+) Cho hai tia Ou,Ov thi c6 v6 s6 goc luwgng giac tia dau Ou, tia cudi Ov. Moi goc lwong giac
nhuw thé déu ki hiéu la (Ou,Ov).

+) S6 do cta cac goc luong giac ¢6 cung tia dau Ou, tia cudi Ov, sai khac nhau mot boi
nguyén ctia 360°.

c. He thirc Chasles

Vi ba tia Ou,0v,0w bit ki, ta cé: sd(Ou,0v)+sd(Ov,0w) =sd(Ou,Ow)+k360°,(k € Z)

Chii yj:

X 7 .7 k2 b Y 7 . A7 A A A2 - X A \ \
Moi goc lwong gidc a+2Z keZneN thicé n diém phin biét biéu dién trén dwong tron lwong
n

gidc.
2. PON VIPO GOC VA PO DAI CUNG TRON
a. Pon vi d6 goc va cung tron

. , . . 4A e me i y 1
Don vi dg: Dé do gbc, ta dung don vi do. Ta da biét: Goc 1° bang T80 goc bet.
Don vi d6 duoc chia thanh nhitng don vi nho hon: 1°=60";1"=60".
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Toan 11 KNTT

Don vi radian: Cho duong tron (O) tam O, ban kinh R va mét cung AB trén (O).

Tandi cung tron AB ¢ s8 do bang 1 radian néu do dai ctia né ding bang ban kinh R. Khi

d6, ta cling néi rang géc AOB 6 s8 do bang 1 radian va viét

A s 180’
Quan hé giita d6 va radian: lrad = [—]
T

T \
1°=——rad |va

AOB =1rad

180
Chii y:
bo 0° 30° 45° 60° 90° | 120° | 135° | 150° | 180°
Radian 0 T T T T 2z 37 5 p/a
6 4 3 | 2 |3 |4 |6
b. D¢ dai cung tron
Mot cung ctia dwong tron ban kinh R va cé s6'do o rad thi cé dp dai| |=Ra

3. GIA TRILUONG GIAC CUA GOC LUONG GIAC

a. Duong tron luong giac

.........

+) Puong tron long giac 1a duong tron cd tam tai goc toa do, ban kinh bang 1, duoc dinh
huéng valay diém A(1;0) lam diém goc ctua duong tron.

+) Diém trén duong tron lugng gidc biéu dién goc luwong gidc 6 s8 do a (dd hoic radian) la

diém M trén duong tron luong giac sao cho

sd(OA,OM) =a

b. Cac gia tri lwgng giac cua goc luong giac

Gid st M(x;y) la diéin trén dwong tron lwgng gidc, biéu dién géc lwong gidc c6 s6'do a, ta cd:

+) Hoanh d§ x cua diém M duoc goi la cdsin ctia «, ki hiéu 1a cosa ——cosa =1x.

+) Tung d0 y cua diém M duoc goi la sin cua «, ki hiéu 1a sina——sina =y.
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Chuyén dé LUONG GIAC Toan 11 KNTT

o , ~ Sina . , PN
+) Néu cosa #0, ti so duoc goi 1a tang cta «, ki hiéu la tane .
cosa
sina
——>tana = =z,(x;t0).
cosa  x

cosa

+) Néu sina #0, ti s6 duoc goi la cotang cta «, ki hiéu la cota .

smo

cosa  x
——cota=— :—,(yqt()).
sinay
Chu y:
+) Ta con goi truc tung la truc sin, truc hoanh la truc cosin.
+) sina,cosa xac dinh véi moi gia tri cia « va ta co:

—1<sina<1l;-1<cosa <1 ‘ sin(a+k27z)=sina;cos(a+k 277) = cosa k e/

+) tana xac dinh khi a¢§+k7z; cota xac dinh khi a #krz; ke Z.

+) Dau cua cac gia trilugng giac cia mot goc lwong giac:
)

Goc phan
tw
I I i v
Gia tri
luong gidc
sina + T - _
cosa + - - +
tana + - + -
cota + - + -
c. Gia tri lwong giac cua cac goc dac biéet
Gée 0 z =]z z
6 4 3 2
0° 30° 45° 60° 90°
sina 0 1 N 3 1
2 2 2
cosa 1 J3 J2 1 0
2 2 2
tana 0 J3 1 J3 Khéng xac dinh
3
cota Khong x4c dinh J3 1 J3 0
3
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d. St dung may tinh cAm tay d€ ddi s6 do goc va tim gia tri lwong gidc ctia goc
Kij thudt 1: D6i s6 do goc

Vidu1l:
a) Béi 35°30" sang don vi rad; o D . 2
Budc 1: Hién thichédd rad b) bai g Sans don vi do.
meng (2] (2] Bw6c 1: Hién thichédd do
| " 6 6D (2) (1)
7 O
l
Buwdc2: Nhdp 35°30°
@@@_&]@ Buc’yCZ:Nhépg
OEE®EI®DIPNE][2]E
71 - 5y 4
~1r
- 360 (5)
357 30°°
31.83098862
0. 6195918845 5 T 4
~1r
(5)
31°49°51. 56"

Kij thudt 2: Tinh cac gia triluong giac ciia goc
Vi du 2:

b) Tinh cot200°.
Budc 1: Hién thichédd do
Bwdc 1: Hién thichéd) rad meng (2] (1)

e (2) (2 I 7

a) Tinh sin27” ;

Bwdc2: Nhdp cot200° = 1 .
Budrc 2: Nhdp sin 2~ tan200°
7 SlalClnalululznis
N B Cluicnle d
[ i

E o
sin[ 2?;::] tan{200" )
2. 747477419

0. 7818314825
4. QUAN HE GIUA CAC GIA TRILUQNG GIAC
a. Cac cong thiec lwgng giac co ban

sina+cos’a=1 1+tan’a =

> [a¢z+k7r,keZ]
Ccos” o 2

1+cot’a=

sin” «

(a;tkﬂ,keZ) tana.cota =1 [ai%,ker
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b. Gia tri lwgng gidc ciia cac goc cd lién quan dac biét

1. Hai géc doi nhau: ava —« (cos doi)

2. Hai géc bunhau: ava 7—a (sin b1

v
-

____________

sin(;r—a):sina; cos(;r—a)z—cosa;

sin(—a) =-sina;

cos(—a) =cosal;

tan(zr—a) =—tanq; cot(:r—a) =-—cota.

tan(—a):—tana; cot(—a)z—cota.

3. Hai géc phu nhau: o va %—a (chéo)

.| T .
sin| ——a |=cos¢; COosS| ——a |=singa;
tan(%—aJ:cota; Cot(g—a):tana.

4. Hai géc hon kém nhau 7: ava o+ (tan va
cotang)

Ya Ya
—M

| =3

sin(a+7r)=—sina; Cos(a+7z):—cosa;

tan(a+7z)=tana; cot(a+7r)=cota.

Luu §: Goc hon kém g(a va g+ a)

II. BAI TAP MINH HOA

Cau 1:

. T
SIH(E-F(ZJ =Cosx

tan[%+a) =—cota

T .
COS[E-FCZJ =-—smao

Cot(ngaj =—tana

Cho sd(Ou, Ov)=a va sd(Ou', Ov')= . Chiing minh rang hai goc hinh hoc uOv, u'Ov' bang
nhau khi va chi khi hodc f-a =k27 hodc f+a=k2x vbéi keZ.
297 22 6z 4lx

Cho gbc luong giac (Ou,0v) 6 s6 do —%. Trong cac s& T nhiing sd nao

1a s6 do ctia mot goc lwgng giac ¢ cung tia dau, tia cudi voi goc da cho?
Tim s6 do a cha goc luong gidc (Ou,0v) véi 0<a <27z, biét mot goc lwong gide cling tia dau,

tia cudi véi goc dé cd s6 do la:
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Chuyén dé LUONG GIAC Toan 11 KNTT

337 3 2919837

a) —. b c) 30.
) = ) - )
Cau 4: a) Doisd do cha cac goc sau ra radian: 72°,600°,—37°45'30".
b) D6i s6 do cua cac goc sau ra do: %,3?”,—4.
Cau 5: Mot duong tron cd ban kinh 36m . Tim dd dai ctia cung trén duong tron do6 cd sd do 1a
3 1
a) —. b) 51°. c) —.
e ) ) -
Cau 6: Biéu dien cac goc(cung) lwong giac trén duong tron luong giac cd s6 do sau:
a) Z. b) — 1% ¢) 120°. d) -765°.
4 2 )
Cau 7: Trén duong tron lugng giac géc A. Biéu dién cac goc luong giac cd sd do sau (voi k la s6
nguyén tuy y).
x, =km; x2:£+k7z; x3:—z+k7r
3 3

Cac goc luong giac trén cd thé viét dudi dang cong thirc duy nhat nao?
Cau 8: Tinh gia tri cac biéu thuc sau:

a) A=sin7—7r+cos97r+tar1 o7 +cot7—7r; b) B= L +2sm2550 cos(~188 );
6 4 2 tan 368° 2c0s638° + cos98°
¢) C =sin’25°+sin”45° +sin” 60° + sin” 65°; d) D=tan’ g.tan%.tan%.
Cau 9: Cho %<a <. Xac dinh dau cta cac biéu thirc sau:
(7 3z

a) sinl —+a |; b) tan| — -« |;
Vs . 14rn

C) cos| ——+« .tan(;r—a); d) sm—.cot(;z+a).
2 9

Cau 10: Ching minh cac dang thire sau: (gid siv cdc biéu thirc sau déu co nghia)
a) cos*x+2sin’x=1+sin*x;

sinx + cosx

sin® x

b) =cot’ x+cot’ x +cotx +1;

cot’x—cot’y  cos’x—cos’y

- 7
cot” x.cot’ Y cos’ x.cos’ Y

d) Jsin® x+4cos? x ++/cos* x + 4sin’ x :3tan(x+%Jtan(%—xj;

Cau 11: Cho tam gidc ABC . Chiing minh rang;
. [A+B C
a) sin =Cos—;
2 2

. 3 B 3 B
sSin — COSs —
b) 2 - =tanA.c0t(B+C).
(A+ZB+C] . (A+2B+CJ
COSs f smn| ——
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Cau 12: Rat gon biéu thic: A= sin[% - aJ + cos(137r + a) - 3sin(a— &r) :

Cau 13: Rat gon biéu thie M = sin(77r+a)+cos (a— Sfj—cot (37r—a)+tan E%T— aj+2tan (a— 77”)
Cau 14: Don gian cac biu thic sau: (gid stk cdc biéu thivc sau déu cé nghia)
a) A=cos(bxr—x)— sin(%[ + x) + tan(%[ - x] + cot(37 — x);

B sin(900° + x) — cos(450° — x) + cot(1080° — x) + tan(630° — x) _
cos(450° — x) + sin(x — 630°) — tan(810° + x) — tan(810° — x) ~

c)sz/E— 1 \/ 1 + 1 vOi T<x<2r.
sin(x+20137r) 1+cosx 1-cosx

Cau 15: Chung minh cac biéu thirc sau khong phu thude vao x.

+ 6 6
sin” x +cos” x +2
a) A= ;

sin*x+cos*x+1’
_l+cotx 2+2cot’x .
1—cotx (’camx—l)(tan2 x+1)’

b) B

€) C=+/sin x +6c0s2 x +3cos * x + rkos * x +6sin 2 x +3sin * x

Cau 16: Tinh gia tri lwong giac con lai cta géc o biét:

1 . 2
a) sinazg va 90° < a <180°; . b) Cosaz—g va 7r<a<37ﬂ;
C) tana =-2V2 va O<a<z; d) cota=- 2Vé§<a<3?ﬂ.

A , e N . . N 1
Cau 17: a) Tinh gia tri lwvong gidc con lai cua géc « biét sina :g va tana + cota <0.

b) Cho 3sin4a—cos4a:%. Tinh A=2sin*a-cos’«a.

Cau 18: a) Cho cosocz2 . Tinh Azw.
3 tana + cota

sina —cosa

b) Cho tana =3. Tinh B=—— 5 —.
sin” o +3cos’ a +2sina

¢) Cho cota =+/5. Tinh C=sin? @ —sinacosa + cos’ a.
2sina —tan «

A 3 7 .7 . o A? 7
Cau 19: Cho tana—4cota=3, r<a<>Z Tinh gia tri biéu thitc M = .
2 cos @ +cot o

Cau 20: Cho tana+cota=m. Tinh gia tri biéu thitc A =tan’ a +cot’a theo tham sd thuc m.
Cau 21: Cho sina+cosa=m, me [—JE,\/E} . Tinh cdc gid tri cua tan’a +cot’ @ theo m.
Cau 22: Biét sinx+cosx =m.
a) Tinh theo m gia tri sinxcosx va ‘sin4 x —cos” x].
b) Chting minh rang |m| <2.
IIL. BAI TAP TRAC NGHIEM

Cau 23: Puong tron legng gidc la duong tron dinh hudéng tam O c6 ban kinh bang
A. Ll B. 2. C. 3. D. 4.
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 34:

Ménh dé nao sau day dung?

A. Mdi duong tron 1a mot duong tron dinh hudéng.

B. Mdi duong tron da chon mot diém 1a gdc déu 1a mot dwong tron dinh hudng.

C. Mdi duong tron da chon mot chiéu chuyén dong va mot diém l1a goc déu la mot duong
tron dinh huong.

D. Mbi duong tron da chon mot chiéu chuyén dong goi 1a chiéu duong va chiéu nguoc lai
duoc goi la chiéu am la mot duwong tron dinh hudng.

Ménh dé nao sau day dang?

A. Chi mét cung lwgng giac ¢ diém dau la A, diém cudi la B.

B. bung hai cung luwgng giac ¢6 diém dau la A, diém cudi la B.

C. bung bon cung luong giac ¢d diém daula A, diém cudi la B.

D. V6 s6 cung lugng gidc ¢ diém dau la A, diém cudi la B.

Ménh dé nao sau day dung?

A. Mbi cung lwong gidc AB xdc dinh mot géc lwong gidc tia dau OA tia cudi OB .

B. Mdi cung lwong gidc AB xac dinh hai géc lwgng gidc tia dau OA tia cudi OB .

C. Méi cung lwong giac AB xac dinh bon goc lwong giac tia dau OA tia cudi OB .

D. Mdi cung luong gidc AB xéc dinh vo s8 gdc luong giac tia dau OA tia cudi OB ..

Trén duong tron luong giac véi diém goc la A, cung AN, 6 diém dau 1a A, diém cudi la N .

A. chi c6 mot s6 do. B. c6 dang hai sd do.

C. ¢6 ding 4 sd do. D. ¢6 v s6 s6 do.

Goc lugng giac tao boi cung luong gidc. Trén duong tron cung cd sd do 1rad la

A. cung c6 do dai bang 1. B. cung tuong tng véi géc & tam 60°.
C. cung c6 do dai bang duong kinh. D. cung c6 d6 dai bang nira duwong kinh.

Trén dudong tron luong gide voi diém goc A, cung luong gidc o6 s6 do 55° o6 diém dau A xéc
dinh

A. chi c6 mot diém cudi M . B. dung hai diém cu6i M .
C. ding 4 diém cudi M . D. v6 s0 diém cudi M .
C6 bao nhiéu diém M trén duong tron dinh hudng géc A thoa man sd AM = % +k§ KeZ?
A. 3. B. 12. B. 4. D. 6.
Mbt cung tron cé dd dai bang 2 Tan ban kinh. S8 do radian ctia cung tron d6 bang
A. 1. B. 2. C. 3. D. 4.
Khéng dinh nao sau day ding?
A.lrad =1°. B.1lrad =60°.
C.1rad =180°. D. 1 rad :(@j .
7

: Cho luc giac ABCDEF noi tiép duong tron luong gidc c6 goc la A, cac dinh 14y theo thi tu

dé va cac diém B,C ¢ tung d6 duong. Khi d6, goc luong giac c6 tia dau OA, tia cudi OC

bang:
A. 120°. B. —240°.
C. 120° hoac -240°. D. 120°+k360°,k e Z.

GOc ¢d s6 do 108° doi ra radian 1a
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

AT ey c.. D. =
3) 10 2 4
: Dai s6 do goc 105° sang radian.
A B. /Z. c.2z. D. 22,
12 12 12 8

: Goc cd so do 2?” doi sang do la:

A. 240°. B. 135°. C. 72°. D. 270°.

7 ’ A~ T A% A 1N
Goc co6 s0 do 9 doi sang do la:

A. 15°. B. 18°. C. 20°. D. 25°.

Goc 63°48' gan bang

A. 1,108rad . B. 1,107rad . C.1114rad. D. 1113rad .
Cho a=%+k2n,keZ. Tim k d€ 107< a < 117

A. k=4. B. k=6. C. k=7. D. k=5.

Cho hinh vuéng ABCD 6 tim O va mot truc (£) di qua O. Xdc dinh s6 do cua cdc goc gitra
tia OA vdi truc (£), biét truc (£) di qua dinh A ctia hinh vuong.

A. 180° +k360°, k € Z. B. 90° +k360°, k € Z.

C. -90°+k360°,k € Z. D. k360°, ke Z.

: Biét OMB’ va ONB' la cac tam giac déu. Cung @ 6 diém dau la A va diém cubi trung voi

B hodc M hoidcN . Tinh s6 do cua «a.

A a=2+kZ kez. B.a=—2+kZ kez.
2 2 6 3
Ca=Z1k?E ker. D.a=%+kE ke,
2 3 6 3

: Trong mit phang dinh hwdng cho tia Ox va hinh vudng OABC vé theo chiéu nguoc véi

chiéu quay ctia kim dong hd, biét sd (Ox,0A)=30° +k360°k € Z, sd (Ox, BC) bang:
A. 210°+h360°,heZ. B. 135°+h360°,heZ.
C. -210°+h360°,he Z. D. 175°+h360°heZ.

: Trén duong tron véi diém goc la A. Diém M thudc duwong tron sao cho cung luong giac

AM ¢6 s6 do 60°. Goi N la diém ddi xting voi diém M qua truc Oy, s6 do cung AN la

A. 120°. B. —240°.

C. —120° hogc 240°. D. 120°+k360°,k e Z .

Cho (Ox, Oy):22°30'+ k360°. Tinh k dé& (Ox, Oy)=1822°30'.

A. ked. B. k=3. C. k=-5. D. k =5.

Cho s0 do cung (Ou,Ov) =25°+ k360°,(k 5 Z) . Vi gia tri nao cua k thi (Ou,Ov) =-1055°?
A k=-1. B.k=2. C.k=-3. D.k=4.

Mot banh xe ¢6 72 rang. S6 do goc ma banh xe da quay duoc khi di chuyén 10 rang la
A. 30°. B. 40°. C. 50° . D. 60° .

Trén duong tron ban kinh r =5, d6 dai ctia cung do g Ia
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Cau 48:

Cau 52:

Cau 53:

A1=Z, B.1=7 c.1=2Z, D.1=Z.
8 8 8 4
Trén duong tron ban kinh r =15, d¢ dai cta cung cé sd do 50° la
A 1=T750. B.1=1520. D% D.1=2%
T 180 6
: Cho bon cung (trén mot dwong tron dinh hudng): a——% ﬂ—% }/22577[,5:19?7[. Cac

cung nao c6 diém cudi trung nhau?
A.avap;yvad. B.fvay,avaod. C.apy. D. B,y,0

. ./ S N T 5. S NN N . A
: Cho gbc luong gidc (OA,OB) 6 s6 do bang T Hoi trong céc so sau, sO nao la s6 do cia mot

goc luong giac cd cung tia dau, tia cudi?

A. 6—7[ B. _& C. 9—7[ D. 3—1” .
S) S) 3) 5
: Trén duong tron luong giac géc A cho cac cung cd s6 do:
Lz, m-'z m. 27 .7
4 4 4 4
Hoi cung nao ¢6 diém cudi trung nhau?
A. Chi Ivall B. Chi [, II va III. C.ChiL,IIvalVv. D. Chi ILIII va IV
Cho gbéc o thoa man 90° < & <180°. Trong cac khang dinh sau, khang dinh nao dtng?
A. sina <0. B. cosa>0 C. tana<0. D. cota>0.

Cho goc « thoa man 27 <a < 7 Khéng dinh nao sau day dung?

A. tana >0;cota>0. B. tana<0;cota<0. C. tana >0;cota<0. D. tana <0;cota >0.

: Cho27r<oz<577Z . Két qua dung 1a

A.tana > 0;cota > 0. B.tana<0;cota< 0. C.tana > 0;cota< 0. D.tana <0;cota >0.

T N 2 A s
: Cho 5 <a <z .Két qua nao sau day sai?

A. cos(—a)<0. B. sm(a——J>O C. Cot[3—”+aj<0. D. tan(7r+a)<0.
2 2
: Cho a la mot goc bat ki. Trong cac khang dinh sau, khang dinh nao sai?
A. -1<cosa<1. B. tanazsma [(Z¢£+kﬂJ.
cosa 2
C. sina+cos’a=1. D. tana = % (a;tk/z).
sina
: Cho goc lugng giac a bat ki. Ménh dé nao sau day dang?
A. sin2a+cosza=1. B. sina+cos’a=1.
C. sint€ 1cos2 & = l D. sin’2a +cos®* 2a =2.
2 2 2

: Két qua nao cho ta tim dwoc goc o ?
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sina 1 sina—ﬁ sinoc—i
A. 4 B. 3 C 13 p, [Sine=03
cosa 3 2 cosa—E' cosz=0.7
4 cosa 2? 13
Cau 59: cosa khong thé bang gia tri nao dudi day?
A. 1. B. 2. C. 0,2. D. -0,9.
Cau 60: Cho goc a théa man —%< a <0 va COSa:%. Gia tri cua biéu thtec P =sina+ L bang
cos o
A 4B g 4-3 c 1V p, L+V8
2 2 2 2
Cau 61: Cho sina =% biét 0° < <90°. Tinh cosa;tan«
A. COSa:—@;tana:@. B. COSa:—@;tana:—E.
4 15 4 15
C. COSa:@;tana:—@. D. COSa:E;tana:@.
4 15 4 15
2 N
Céu 62: Cho cosa=—— (90° < <180°). Khi d6, tana bang
A Y2 p. Y2 c. Y2 p. Y2
5 2 5 3
Cau 63: Tinh gid tri biéu thite P =sin30°cos90 °+sin90 Cos30 ° .
A. P=1 B. P=0. C. P:?. D. P:%.
Cau 64: cos18° —cos342° bang
A. 1. B. 0. C. 2cos18°. D. —2cos18°.
Cau 65: 2sin27° —sin153° +sin(—270°)+sin333°b5ng
A. 1 B. 2s5in27° +1. C. 0. D. sin27°.
Cau 66: Gia tri biéu thtec M =tan1°.tan2°.tan3°...tan89° bang
A. 1. B. 2. C. 1. D. %

Cau 67: Trong cac dang thitc sau, dang thtec nao sai?
A. sin(g — xj = COosX. B. sin(% + xj =cosx. C tan(% — xj =cotx. D. tan(% + xJ =cotx.

Cau 68: Cho « la mdt géc bat ki. Trong cac khang dinh sau, khang dinh nao sai?
A. cos(r+a)=-cosa. B. sin(r +a)=-sina.
C. tan(r+a)=—tana. D. cot(z +a)=cota .
Cau 69: Cho hai géc nhon « va g phu nhau. Hé thitc nao sau day sai?
A.sina =—-cosf. B.cosa =sing. C.cosf =sina. D.cota=tang.
Cau 70: Cho tam giac ABC bat ki. Trong cac ménh dé sau, ménh dé nao sai?
B A+C . B

= COSE . B. cos =sin—.

A. sin

L&'p Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé LUONG GIAC Toan 11 KNTT

Cau 73:

Cau 74:

Cau 79:

Cau 80:

Cau 81:

. 1 .7 . 2 - A2 s
: Cho sina = 5 Gia tri ctia biéu thic A =

: Gia tri biéu thie A=

C. sin(A+B)=sinC. D. cos(A+B)=cosC.

: Biéu thuc M=tan(%—a}+cot(117ﬂ—aj—tan[l5?”+ aj—cot(lgTﬂ+ aj bang

A. tana + cota B. 2(tana+cota). C. Z(tana—cota). D. tana —cota
. Cho tanx =3, Tinh p = 23NX-C0SX.
SIN X+ COS X

A.P:§. B. P:E. C. P=3. D. P:g.

2 4 5
Cho géc x théa man cotx:l. Gia tri biéu thitc A=— - 2 — béng

2 SIN“ X —SIN X.COS X —COS“ X

A. 6. B. 8. C. 10. D. 12.

Biét tana =2 va 180°<a <270°. Gié tri sina +cosa bang

A. —%. B.1-+5. 35 35

C. —. D. ——.
2 2

: Cho biéu thitc M =tan10°.tan20°.tan30°.tan 40°.tan 50°.tan 60°.tan70°.tan80°. Gi4 tri cia M

bang

A. M=0. B. M=1. C. M=4. D. M=8.
cota—tan a b3

tana+2cot a

A.l. B. Z C. 1—7 D. l
9 9 81 17
: Biéu thirc sin® x.tan? x +4sin * x —tan ? x +3¢os * X khong phu thudc vao x va cé gia tri bang
A. 6. B. 5. C. 3. D. 4.
2 2
(1-tan®x) 1

-— khoéng phu thudc vao X vabén
4tan®x  4sin? xcos? X &P &

AL B. 1. c.i. D. 2.
4 4
Gia tri biéu thizc A =sin® x+cos® x +3sin > xcos > x bang
A. A=-1. B. A=1. C. A=4. D. A=-4,
Bidu thitc A =+/sin*x+4cos”x +vcos * x +4sin >x c6 gia tri la
A. 3. B. 2. C. 3. D. 4.
4 2 2 .
Bibu thire B= o *TSN @7CO8 & pang
sin® @ +cos” a —sin* &
A. tana. B. tan’ . C. tan’ . D. tan'«.
7z 7z
cos (x - 4jcos (4 — x)
: Biéu thitcc M = bang
sinz(x+7[j
4
A. 2. B. 1. C. 1. D. 2.
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V. LOI GIAI CHI TIET

Cau 1:

Cho sd(Ou, Ov)=a va sd(Ou', Ov')= . Chiing minh rang hai goc hinh hoc uOv, u'Ov' bang
nhau khi va chi khi hodc f-a =k27 hodac f+a=k2z v6i keZ.

Loi giai:

Tacd sd(Ou, Ov)=a vasd(Ou',Ov')= 3 suy ra ton tai a,, r<a, <7z, ¢, 1< f<x vas®

nguyén kI, sao cho a=a,+k,27, f=p,+1,27.

Khi d6 |e,| 1a s6 do cia uOv va || 1a s§ do cua u'Ov'.

Hai goc hinh hoc #Ov, u'Ov" bang nhau khi va chi khi |a |—|,BO| <:>[ _ ﬂlg

& f—a=k27 hoac f+a=k2x voéi kel . " O

Cho gdc luong giac (Ou,0v) 6 s6 do —; Trong cac sO —297”, —%, 677[, 4177[ nhiing s6 nao
la s6 do ctia mot goc luong gidc c6 cung tia dau, tia cudi véi goc da cho?

Loi gidi:
Hai gdc c6 cung tia dau, tia cudi thi sai khac nhau mét bdi caa 27 do do

Vi 25 (5) (a)ar, 25 [ )y 65 ((5)_p 8 [ 5) g,
7 7 7 7 7 7 7 7

~ 297 4lrx
nén cac so i 1a s6 do ctia mét goc luong gidc co cung tia dau, tia cudi voi goc da

cho.
Tim s6 do « cha goc lugng gidc (Ou,0v) véi 0<a <2z, biét mot goc lwong gide cling tia dau,
tia cudi véi goc do cd s6 do la:

2) 33_7r b) _2919837;_ Q) 30.
3
Loi giai:

a) Moi goc lwong gidc (Ou,Ov) c6 so do 1a 3?77[ +k2x, keZ

Vi 0<a <27 nén OS&?T”+k27rs27z,keZ@OS%+k2£2,keZ

<:>—§<k<—§ keZ < k=-4.
8 8

33
Suy ra «a =Tﬂ+(—4).27r=%
b) Moi goc lugng gidc (Ou,Ov) c6sd do la —@+k27r, ke
Vi 0<a <27 nén 0S—@+k2ﬂ£2ﬂ,k€Z©0ﬁ—291983+k2£2, keZ
= 291983 <k< 291989 ,keZ < k=48664.
Suy ra a=—w +48664. 27z—%

¢) Moi goc luong giac (Ou,0v) c6 s§ dola 30+k27, keZ
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Cau 6:

Vi0<a <27 nén O£30+k27r£27r,keZ<:>0£1—5+k31,keZ
T

o B 715
T T

Suy ra a=30+(—4).27=30-87 ~4,867 .

kel < k=-4.

a) Da4i s6 do cha cac goc sau ra radian: 72°,600°,—37°45'30".

b) DBai s6 do cta cac goc sau ra do: ?—2,3{,—4
Loi giai:
0 N 0 T 27 0 7z 10z
a) Vi l"'=——rad nén 72" =72.— =—,600" =600. — = ——,
180 180 5 180 3
0 0 0
37°45'30" =370 | 2| _[ 30| (481} _4%81 7, ¢59
60 60.60 120 120 180
0 0 0
b) Vi Trad=| 220 | nen 2% o[ 27 180} _ 50 37 _[37 1801 _y5q.
V4 18 18 =« 5 5 =«
0 0
—4:—( .@j :—(@] ~—2260°48".
V2 V4
Mot duong tron ¢6 ban kinh 36m . Tim d¢ dai cua cung trén duong tron dé ¢ s6 do la
3z 1
a) —. b) 51°. c) —.
)= ) ) 3
Loi giai:

Theo cong thitc tinh do dai cung tron ta c6 [=Ra = %.R nén

a) Tacd I=Ra :36'%{:2’7% ~84,8m

b)Tacs =% R="21 3657 35 oam
180" 180 5

c) Tacod l=Ra=36.%=12m.
Biéu dién cac goc(cung) luong gidc trén duong tron hwong giac c6 sd do sau:

T 117
—. b) -—/. 120°. d) -765°.
a2 )5 9 )

MZ/‘N/I]-
A’ 0 A x
Ms

Loi gidi:
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T

a) Taco zi = % . Ta chia duong tron thanh tdm phan bang nhau.
T

. 7 A \ PN A X 2. 7 1N T
Khi do6 diém M, la diém bieéu dién boi goc co s6 do 1

b) Tacd —BT” —-Z+(-3) 27 do d6 diém bicu dién boi goc —117” tring v6i goc -2 vala
diém B'.

c) Taco % = % Tachia duong tron thanh ba phan bang nhau.

Khi d6 diém M, 1a diém biéu dién boi géc c6 s& do 120°.

d) Tacd —765° =—45° +(-2).360° do d6 di€m biéu dién boi géc ~765° tring véi goe —45°.
45
360

Khi d6 diém M, (diém chinh giita cung nhé AB') la diém biéu dién bai gdc cb s6 do -765° .

= % Ta chia dudng tron 1am tdm phan bang nhau (cht ¥ goc am )

Trén duong tron luong gidc gdc A. Biéu dién cic goc luwong gidc cd s6 do sau (voi k 1a s&
nguyén tuy y).

T T
x, =km; X, =—+kr; X =—§+k7z

2 3
3
Cac goc luong giac trén cd thé viét dudi dang cong thirc duy nhat nao?
Loi gidi:
yA
M4 Ml

M, M;

B
7 k27z- 7 7 . N o« A2 <X I 7 4 A~

Taco: x, = - do do co hai diém biéu dién boi goc co s6 do dang x, =k~

+) Véi k=0=x, =0 dugc biéu dién bdi diém A

+) k=1=x, =7 dugc biéu dién bdi A’

7 2k 7 7 . . A7 A X 7 . 7 7 A
Tacd:x, = % +Tﬁ do do co hai diém biéu dién boi gdc cd s6 do dang x, =%+ kx

+) k=0=x, =% dugc biéu dién bsi M,
4 o <X 5.
+) k=1=x= Y duoc biéu dién boi M,

k2 g N X 7 . 7 7 ~
Taco: x, = —% +Tﬂ do do co6 hai diém biéu dién boi goc co s6 do dang x, = —%Jr kx
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) k=0=x, = ‘% duoc biéu dién boi M,

Hk=1ox, = 2?” duoc biéu dién boi M,.

Do cac goc luong gidc x,x,,x, dugc biéu dién boi dinh cta da giac déu AM,M,A'M,M, nén

cac goc luong giac d6 cd thé viet dudi dang mot cong thirc duy nhat la x = %T,k el.

Tinh gid tri cac biéu thitc sau:
a) A= sin7—7r +cos97 + tan 7 + cot7—ﬂ;
6 4 2
b) B= 1 N 25in 2550° cos(—188 );
tan368°  2co0s638°+ cos98°
c) C =sin”25°+sin”45° +sin” 60° + sin” 65°;

d) D=tan’ 7 tan % tan 2%
8 8 8

Lovi gidi:
a) Tacé A=sin| 7+2 +cos(7 +4.27)—tan 7+ |+cot| 2437
6 4 2

:>A=—sin£+coszr—tan£+cot£=—1—1—1+O=—E.
6 4 2 2 2

1 2sin(3o° +7.360°) cos(8° +180°)
b) Taco B= +
tan(8° + 3600) 2cos(—90° +8°+ 2.360°)+ cos(9o° + 8°)

1 2sin30° (—cosSO) 1 2%(—(:0580)

= + =
tan 8" 2005(80—900)—sin80 tan 8° 2cos(900—80)—sin8°

1 cos8’ 1 cos8’

- tan 8’ - 25in8° —sin 8° - tan 8’ - sin8°
) Vi 25" +65° =90° = sin65° = cos25° do d6

2 2
C=(sin225°+cosz25)0+sin245°+sin260°=1+£%j +[%j
7
Suyra C=—.
y 4
d) D=—| tan— tar13—7[ .| tan _z tan5—7z
8 8 8
T 3r 7w &w 5m & Vs Vs
Ma —+—=—,——+—=—=tan—=cot—,tan—=cot| ——
8 8 2 8 8 2 8

a +==
8
Nén D=—| tanZ.cotZ || tan| -Z |cot| = Z | |=—1.
8 8 8 8

7Z— /4 . ~ ki 7 o« A? ’
Cho 5 <a <. Xacdinh dau cta cac biéu thirc sau:
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Cau 10:

a) sin[£+a]; b) tan[s—ﬂ—aj;
2 2
C) cos(—£+aj.tan(7r—a); d) sinM—”.cot(ﬂ+a).
2 9
Loi giai:

T z 37 (7
a) TacO —<a<r=>r<—+a<— suyra sin| —+a |<0.
2 2 2 2
Cich khdc: sin| Z+ o |=sin Z—(—az) =cos(—a)=cosa<0.
2 2
. T 37 7 3
b)Tacd ——>-a>-7=0>—-a>-—suyra tan| ——a |<0.
2 2 2 2
Cdch khic: tan(?)?ﬂ—aJ=tan(;ﬂrg—a}:tan(g—aj:cota <0.
c) Taco Zco<r=0<-Zha<l suy ra cos “Zial>0.
2 2 2 2
Va 0<7r—a<% suy ra tan(7+a)>0
Vay cos(—%+a}tan(;r+ a)> 0.
d) Taco 3—”<14—7r<27r:>sir114—7z<0.
2 9 9
T 3z
J<a<r=—-<mta<2z suyra cot(7+a)<0.

A . 14rm
Vay SII’IT.CO’[(H'-F a) >0.
Chiing minh cac dang thiee sau: (gid siv cdc biéu thivc sau déu co nghia)
a) cos*x+2sin® x=1+sin*x;
sinx + cosx

sin® x

b) =cot’ x+cot’ x +cotx +1;

cot’x—cot’y  cos’x—cos’y

- 7
cot” x.cot’ Y cos’ x.cos’ Y

d) /sin® x +4cos? x ++/cos* x +4sin’ x :3tan(x+%Jtan(%—xj;
Loi gidi:

a) Dang thitc twong duong véi cos* x =1-2sin”x+ (sm ? x)2

< cos'x= (1 —sin’ x)2 *)

Ma sin’ x +cos’ x=1=> cos’ x =1-sin’ x

Do dé (*) < cos* x = (Cos2 x)2 (dting) (d.p.c.m)

Cach khac:
cos* x +2sin’ x =1+sin* x & cos* x —sin* x + 2sin*x =1
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<:>(Coszx—sinzx)(coszx+sin2x)+ZSin2x=1

2 2 2 2 e 2 ,
& cos x—sin“x+2sin“x=1<cos” x+sin” x =1 (dung)
sinx+cosx 1 N Ccosx

b) Taco VT = — =— —
sin” x sin“x sin’x

A

\ Sin
- va tanx =
sin” x cosx

VT =cot’ x +1+ co’cx(co’c2 X+ 1) =cot’ x +cot’ x+ cotx+1=VP (d.p.c.m)

Ma cot’x+1=

2. 2
c) Taco yr =t 2x COE LA 12 —-——=tan’y—tan’x
cot"x.cot"y cot"y cot"x
2. 2
ZL 12 _1J_( 12 _1J= 12 B 12 _ cos 2x cos; y=VP (d.p.c.m)
cos" y cos™ x COS"Yy (COs"Xx  COS” X.COs™ VY

d) VT = \/sin“ x +4(1—sin2 x) + \/cos4 x+4(1—cos2 x)
= \/(sinz x)2 —4sin x+4 + \/(cosz x)2 —4cos’x+4 = \/(sinz x— 2)2 + \/(cosz x— 2)2
= ‘sin2 x—Z‘ + ‘cos2 x—Z‘ = (2 —sin? x) + (2— cos’ x) = 4—(sin2 x + cos’ x) =3.

Mit khéac vi x+Z |4 Zox|=Z = tan| Z—x |=cot| x+Z | nén
3 6 2 6 3

VP=BMn(x+%jaﬁ(x+%J=3:>VT:VP(dpcnﬂ

Cau 11: Cho tam gidc ABC . Chiing minh rang;

.[A+Bj C
a) sin =C0S—;
2
sin® E cos® E
b) - 2 :tanA.cot(B+C).
[A+ZB+CJ . (A+2B+Cj
cos| —— | sin| ————
2
Loi giai:

B . (n#-C . [z C C
] = sm( ) = sm[— - —j =cos—.(d.p.cm)
2 2 2 2

A
a) Taco: sin( *

b) Vi A+ B+C=7x nén

-3 B 3 B .3 B 3
sin® — cos’ — sin>~  cos’ = B B
VT = 2 2__ 2 _ 2 :—(sir12—+cos2 Ej

-1

7 B . (7 B I B
cos| —=+—| sin| =+—| —-sin— cos—
2 2 2 2 2 2

VP = tanA.cot(ﬂ — A) = tanA.(—cot A) =-1
Suy ra VT =VP. (d.p.c.m)

, , . [D .
Cau 12: Ruat gon biéu thic: A= sm(% — aJ + cos(137r + a) - 3sm(a— &r) .

Loi gidi:

L&'p Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé LUONG GIAC Toan 11 KNTT

Taco A=sin[S—ﬂ—aJ+Cos(137r+a)—35in(a—57r) =cosa—cosa+3sina =3sina.

Cau 13: Rat gon biéu thiae M =sin(77r+a)+cos (a— Sfj—cot (37r—a)+tan (%—a}&t&m (a— 77”)

Loi gidi:

Tacd: M=-sina +cos[a —%—27:}—cot(—a)+tan(47r+%—aJ+2tan(a—%—3;r]
. T T T
=—sma+cos(a—5]+cota+tan(5—aj+2tan[a —EJ

. T V4
=—Slna+COS(E—a]+cota+c0ta—2tan(5—a]

=-sina +sina +cota +cota —2cota =0.
Cau 14: Don gian cac biu thic sau: (gid st cdc biéu thirc sau déu cé nghia)

a) A=cos(bx—x)— sin(?)?ﬁ + xj + tan(%[ - xj + cot(37 — x);

_ sin(900° + x) — cos(450° — x) + cot(1080° — x) + tan(630° — x) .
cos(450° — x) + sin(x — 630°) — tan(810° + x) — tan(810° — x) ’

c)sz/_— 1 J 1 + 1 vol m<x<2r.
sin(x+20137r) 1+cosx 1-—cosx

Loi giai:
a) Tacd cos(57—x)= cos(;r —-x+ 2.27[) = COS(7Z - x) =—CosX;

sinf| —+x |=sin| 7+ —+x |=—sIn| —+ X |=—COSX;
2 2 2

tan(S—”—x)ztan(nJrz—xj:tan(z—szcotx;
2 2 2

va cot(3z —x) = cot(—x) =—cotx;

Suyra A= —cosx—(—cosx)+c0tx+(—cotx):().

b) Tacd sin(900°+ x) =sin(180° +2.360° + x) = sin (180" + x) = —sinx;
Cos(4500 - x) = Cos(900 +360° — x) = Cos(900 - x) =sinx;

cot(1080° — x) = cot(3.360° — x) = cot(—x) =—cotx;

tan(630° — x) = tan(3.180° + 90° — x) = tan(90° — x) = cot x;

sin(x —630°) = sin(x—2.360° +90° ) = sin(x+90° ) = cos x;

tan(810° + x) = tan(4.180° + 90° + x) = tan(90° + x) = —cot x;

va tan(810°— ) =tan(4.180 °490 °- ¥ =tan(90 °- ) =<ot ;x

A —sinx — sinx — cotx+ cotx — 2sinx
Vay B=— =— :
sinx + cosx — (— Cotx) — cotx sinx+ cosx

) Tacd sin(x+20137)=sin(x + 7 +1006.27) =sin(x+ ) =—sinx nén
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Cau 15:

Cau 16:

C=\/E+ .1 ' 1-cosx+1+cosx
sin x (1—cosx)(1+cosx)

:\/5+1 2 :\/5.5_

1 / 2 \/— 1
) w|— =21+ —.
sinx \1-cos®x sinx \sin®x ( sinx|sin xJ

1

sin? x

Vi 7<x<27=sinx<0 nén Czﬁ[l— jz— 2 cot’ x

Chiing minh cac biéu thite sau khong phu thudc vao x.

+ 6 6
sin” x +cos” x +2
a) A= ;

N 7
sin*x+cos*x+1
1+ cotx 2+2cot’ x

b) B= - ;
) 1-cotx (tanx —1)(tan2 X +1)

¢) C=+/sin* x +6c0s2x +3cos * x + vkos * x +6sin 2 x +3sin * x
Loi gidi:

L4 4 (2 2\ . 2 2 .2 2 .
a) Taco sin"a+cos” a=(sin"a+cos”" a) —2sin” acos” o =1-2sin" acos” a;

)Y < 6 6 2 3 2 3 2 2 < 4 4 2 2
va sin® a + cos a:(sm a) +(cos a) =(sm o +CoS a)(sm a +cos® o —sin® @ cos a)
=sin* a + cos* @ —sin® @ cos® @ =1—-2sin” @ cos” & —sin” & cos” @ =1 - 3sin’ a cos” a.

. + 2 2
1—351n2acosza+2_3(1_5m acos 0‘) 3

Do ddé A= — > = =—.
1-2sin*acos’a +1 2(1—sin2acosza) 2

Vay A khong phu thudc vao x . (d.p.c.m)

1+ 1 2_|_2coszx (i )
b) Tacs B=—tanx _ siny  _tanx+1 (sm X +C0s x):tanx+1—2:1.
1- 1 (tanx—l)i tanx -1 tanx —1 tanx -1
tanx sin’ x

Vay B khong phu thudc vao x. (d.p.c.m)

c C= \/(1—cos2 x)2 +6¢c0s” x+3cos x +\/(1—sir12 x)2 +6sin” x +3sin® x

—J4cost x+4cos* x +1 +4sin® x +4sin x+1

:\/(ZCOS2 x+1)2 +\/(25in2 x+1)2 =2cos’x+1+2sin*x+1=3.

Vay C khong phu thudc vao x . (d.p.c.m)
Tinh gid tri lwong gidc con lai cta goc o biét:

a) sina:% va 90° < o < 180°; . b) cosaz—% va 7r<a<37”;
C) tanaz—Zx/E val<a<r; d) cota=- 2V‘ag<a<37ﬁ.
Loi giai:

a) Vi 90° < <180° nén cosa <0 mat khac sin”a+cos’a =1

suy ra cosa =-+1-sin’a =— /1—% :—¥
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1
sina 3 1

cosa 22 22
3
b) Vi sin’ a +cos’ @ =1 nén sina =++1-cos’ :J_q/l—g:i?S

Do d0 tana =

Ma 7r<a<37”:>sina<0 suy ra sinaz—?S
5 2
Tacd sina 3 5 cosa 3 2
aco tanga=——=—-—=—va cota = =9 __=
cosa 2 2 sina 5 5
3 3
\ 1 1
c Vi tana =242 = cota = =
tana 2.2
Tacd tan’a+1=———=cos’a = 21 = ! - =1:cosa=il.
cos” « tan“a +1 (_2\/5) +1 9

VilO<a<z=sina>0 va tana:—Z\/E<0 nén cosa <0.

Vivay cosa = —%

Tacé tana =24 :sina:tana.cosa:—Z\/E. 1 :&.
cosa 3 3
. N 1 1
d) Vi cota =—+/2 nén tana = =——.
cota \/E
4 2 - 2 1 1 1 .
Tacd cot"a+l=———=sin"a=—7; = ——=—=sina=%
sin” « cota+1 (_\/E) 41 3

T 3 . ~ )
Do E<a<?:cosa<0 va cotaz—\/E<0 nén sina >0

Do d6 sina =?3.

, . 3 6
Tacod cota= Cf)sa = cosa =cota.sina = —\/E£ = —£
sina 3 3
Pal V4 .7 . .7 \ . 2 /4 - A, . ]‘ \
Cau 17: a) Tinh gia tri lwong gidc con lai ctia goc o biét sina :g va tana + cota <0.

b) Cho 3sin4a—cos4a:%. Tinh A=2sin‘a-cos* .

Loi gidi:
1 1

a) Tacd cot’ a+1= = =25= cot’ @ =24 hay cota =+26

sin® a 1Y -
5

Vi tana, cota cung ddu va tana +cota <0 nén tana <0, cota <0

-
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Cau 18:

Cau 19:

1 1

cota ng '

cota = Cf)sa = cosa =cotasina :—2\/6.l :ﬁ
sina 5 5

Do dé cota =—2\/g. Talai c6 tana =

b) Tacod 3sin* @ —cos* a =%©35in4 0{—(1—sir12 a)z =%

sinza——§<0
@6sin4a—2(1—2sin2a+sin4a)=1c>4sin4a+4sin2a—3=()® 2

sin® a =1
2

Suy ra sin’ & =% :

2 2
Talai co: cosa=1-sina=1-+=2, Suy ra A=2 (1)1
2 2 2 2 4
a) Cho cosa:% . Tinh Azw.
3 tana + cota

sina —cosa

b) Cho tana =3. Tinh B=

sin’ @ +3cos’ @ +2sina

¢) Cho cota =+/5. Tinh C=sin’a —sinacosa + cos> a.

Loi gidi:
1
tana +3 2 —+2
, t +3 2
a) Taco A= fana _ anza 1=C051a =1+2cos’ a.
tanor 4+ ——— tan” a + .
tana cos” o
4 17

Suyra A=1+2.—=—.
9 9

b) Do tana =3 nén cosa #0. Chia ca tit va mau ctia B cho cos’ «, ta duoc:

sina  cosa s s

3 3 tana(tan a+1)—(tan a+1)

B= cos’a  cos’«a _ .
- . . - 7
sm3a+3cos3a 2sina tan3a+3+2tana(tan2a+1)

cos’a  cossa  cos’a
Suy ra B 3(9+1)—(9+1) 2
27+3+23(9+1) 9

c) Do cota =+/5 nén sina #0.

Tacod C=sin’a.

sina sin’*«

6=

6

sin’ ¢ —sinacosa +cos’a . , cosa cos’a
— =sin“a| 1- +
sin” o

—;2 1-cota +cot’ a =;2 1-45+5)=
oo Ll

_1+C0t a

37 ., e , 2sin o —tan «
Cho tana —4cota =3, 7 <a <—. Tinh gia tri biéu thtc M = ————.
2 cos @ +cot o

Loi gidi:
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Tacd: tana —4cota =3 < tana — =3otan*a—-3tana—-4=0

tana
tana = -1 (loai)

tana =4 (nhan do 7T<(Z<37ﬂ-)

Taco: tana =4 = cota = 1 =l.
tana 4
Cosazﬂ (loai)
. ) 2 1 16 17
va l+tan" a = &S aE————=—. =
cos” a l+tan"a 17 4+ 37

cosa = _W17 (nhando 7 <a <—)
17 2

sina = —17 (loai)
17

x/ﬁ 3

Véi coszazgzsinzazl —cos’a=— =
17 17

sina =——— (nhando 7<a<—)
17 2
A . 1 4417 . . 17
Vay taco: tana =4, cota:Z, cosa =— 17 va smaz—v.

J17

z[_]_4
iy — 17 97 _
Lic dé M = 2sina —tana _ 272 8\/E

cosa +cota _4\/ﬁ+1 - 17—16\/5 .
17 4
Cau 20: Cho tana+cota=m. Tinh gia tri biéu thitc A =tan’ a +cot’ @ theo tham s& thuc m.

Loi gidi:
. 3 3 3 3
Ta co: tan’ o + cot a=(tana+cota) —3tana.cota(tana+cota)=m - 3m.
CAu 21: Cho sina+cosa=m, me[—\/i;\/i] Tinh cdc gia tri ctia tan’a +cot’ a theo m.
Loi gidi:
;. . 2 .
Ta co: sma+cosa=m:>(sma+cosa) =m?* < 1+2sinacosa =m*

) m* -1
S sinacosa = .

, 1 1 1 1
Ta cé: tan® a +cot’ a = — -1 |+| ——-1|=——+——-2
cos’ a sin® & cos’a sin*a

1 1 4 2_—2m4+4m2+2

cos? asin” « [m2_1j2 m* =2m* +1 m* =2m* +1

2
Cau 22: Biét sinx+cosx =m.
a) Tinh theo m gia tri sinxcosx va ‘sim‘lx—cos4 x|.
b) Ching minh r.%mg |m| <.
Loi gidi:

¢ (s 2. . .
a) Taco (smx+cosx) =sin” x + 2sinxcos x + cos’ x =1+ 2sinxcosx (¥)
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2
< Lo A . . m-—1
Mit khac sinx +cosx=m nén m’ =1+2sinacosa hay sinacosa =

Pat A= ‘sin4 x —cos’ x‘ )
Tacd: A= ‘(sin2 X + cos? x)(sin2 x —cos® x)‘ = ‘(sinx +cos x)(sinx —Cos x)‘

= A? =(sir1x+cosx)2 (sinx—cosx)2 =(1+ZSinxcosx)(l—Zsinxcosx)

2 2 24 2 4
:A2:(1+m2 1}(1_171 1]:3+2m m Va A:\/3+2m m.

2 4 Y 2
b) Tacd 2sinxcosx <sin’x+cos*x=1.

Két hop véi (*) suy ra: (sinx+ cosx)2 2= |sinx + cosx| <2. Vay |m| <2. (d.p.c.m)

IIL. BAI TAP TRAC NGHIEM

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Puong tron lwong gidc la duong tron dinh huéng tam O c6 ban kinh bang

A. 1l B. 2. C. 3. D. 4.

Ménh dé nao sau day dang?

A. Mdi duong tron 1a mot duong tron dinh hudéng.

B. Mdi duong tron da chon mot diém 1a gdc déu 1a mot dwong tron dinh hudng.

C. Mdi duong tron da chon mot chiéu chuyén dong va mot diém la goc déu la mot duong
tron dinh hudng.

D. Mdi duong tron da chon mot chidu chuyén dong goi la chiéu dwong va chiéu nguoc lai
duoc goi la chiéu am la mot duong tron dinh hudng.

Loi gidi:

Nhéc lai dinh nghia SGK (T134): Puwong tron dinh huwdng 1a mot duong tron trén do ta da
chon mot chiéu chuyén dong goi 1a chiéu duwong, chiéu nguoc lai 1a chiéu am. Ta quy wdc
chon chiéu nguoc véi chiéu quay cta kim dong ho lam chiéu duong.

Tt dinh nghia ta chon dap an D.

Ménh dé nao sau day dung?

A. Chi mét cung lwgng giac ¢d diém dau la A, diém cudi la B.

B. Dung hai cung luong gidc ¢6 di€ém dau la A, diém cudi la B.

C. bung boén cung lugng giac ¢6 diém dau la A, diém cudi la B.

D. V6 s0 cung lugng gidc ¢ diém dau la A, diém cudi la B.

Loi gidi:

Trén duong tron dinh hudng cho hai diém A, B. Mot diém M di dong trén duong tron ludn
theo mot chiéu ( am hodc duong) tv A dén B tao nén mot cung luong giac ¢ diém daula A,
diém cubi la B. Do d6 cd v s6 cung luong giac c6 diém dau la A, diém cudila B.

Ménh dé nao sau day dung?

A. Mbi cung legng gidc AB xac dinh mot gde lwong gidc tia dau OA tia cudi OB .

B. Mdi cung luong gidc AB xac dinh hai géc lwong giac tia dau OA tia cusi OB .

C. Mdi cung luong gidc AB xac dinh bén gdc luong gidc tia dau OA tia cudi OB .

D. Mobi cung luong gidc AB xac dinh v s8 géc lwong gic tia dau OA tia cusi OB .

Loi giai:
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Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Vs
Trén duong tron dinh hudéng cho mot cung lwong gidc AB. Mot diém M chuyén dong trén
b
dwong tron tr A téi B tao nén cung luong gidc ABndi trén. Khi d6 tia OM quay xung
quanh gdc O tir vi tri OA t6i vi tri OB . Tandi tia OM tao ra mét gdc lwong gidc ¢ tia dau
1a OA, tai cudi la OB. Do d6 c6 v6 s6 goc luong giac tia dau OA tia cusi OB .
Trén duong tron luong gidc véi diém goc la A, cung AN, ¢6 diém dau 1a A, diém cudi 1a N .

A. chi c6 mét s6 do. B. c6 dang hai s6 do.
C. ¢6 diing 4 s6 do. D. ¢ v s6 s6 do.
Loi giai:

Trén duong tron lwong gidc véi diém goc la A, cung AN, ¢6 diém dau la A, diém cudi la N
c6 v s6 s6 do, cac s6 do nay sai khac nhau 27 .

Goéc luong giac tao boi cung lwgng giac. Trén duong tron cung ¢6 s6 do 1rad la

A. cung c6 d6 dai bang 1. B. cung twrong tng véi goc & thm 60°.

C. cung c6 do dai bang duwong kinh. D. cung c6 d6 dai bang nita duong kinh.

Trén dudng tron lheong gide véi diém goc A, cung lrong gidc o6 s6 do 55° o6 diém dau A xéc
dinh

A. chi ¢6 mot diém cudi M . B. dung hai diém cu6i M .
C. ding 4 diém cudi M . D. v0 s6 diém cubi M .
Loi giai:
Vi cung luong giac c6 s6 do xac dinh, diém dau A xéac dinh nén chi ¢c6 mét diém cudi M .
Co bao nhiéu diém M trén duong tron dinh hudng géc A thoa man sd AM = % +k§ keZ?
A. 3. B. 12. B. 4. D. 6.
Loi gidi:
k2xz £ cp oK 1 . N . L, 2%

X=a+——,neN thi dugc biéu dién bdin diém trén dtlg vi vay ta co — == =6.

n n
Mot cung tron cé do dai bang 2 Tan ban kinh. S§ do radian ctia cung tron d6 bang
A. 1. B. 2. C. 3. D. 4.
Loi gidi:
Ta c6, cung tron ¢ do dai b:?mg ban kinh thi ¢6 s6 do 1 radian. Vay cung tron do6 c6 sd do la 2
radian.
Khéng dinh nao sau day dung?
A.lrad =1°. B.1lrad =60°.
C.1rad =180°. D. 1 rad =(@j .

7

Cho luc giac ABCDEF ngi tiép duong tron luwong giac c6 goc 1la A, cac dinh 1dy theo tha tw
d6 va cac diém B,C ¢6 tung d¢ dwong. Khi d6, goc luong giac c6 tia dau OA, tia cusi OC

bang:

A. 120°. B. -240°.

C. 120° hoac —240°. D. 120°+k360°,k € Z .
Loi gidi:

Theo bai ra ta c& AOC =120° nén géc luong gidc c6 tia dau OA, tia cudi OC 6 s6 do bang
120° +k360°, k € Z .
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19} 7
| f

Cau 34: Goc cd s6 do 108° ddi ra radian la

AT B. —. c.. D. =
5 10 2 4
Loi gidi:
0
Taco: 108° = 1007 37
180 5
Cau 35: Dadi s6 do goc 105° sang radian.
A Z B. Z. c 2z, D. %,
12 12 12 8
Loi gidi:
0
105 1 _ 77
180" 12

Cau 36: Goc c6 so do 2?” doi sang do la:

A. 240°. B. 135°. C. 72°, D. 270°.
Loi gidi:
0
Ta co: 2—” = 2.180 =72°
5 5

Cau 37: Goc cd s6 do % d6i sang do la:

A. 15°, B. 18°. C. 20°. D. 25°.
Loi gidi:
l 0
Ta cb: g: 80" _ o0
Cau 38: Géc 63°48' gan bing
A. 1,108rad . B. 1,107rad . C.1114rad. D. 1113rad .
Loi gidi:
0
Ta c6 63°48'=63,8° = % ~1,114rad.
Cau 39: Cho a=%+k27r,keZ. Tim k d€ 107< a < 11z
A. k=4. B. k=6. C.k=7. D. k=5.
Loi gidi:
197 21r

+bé10r < a < 11x th‘17<k272'<7:>k:5.
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Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cho hinh vudng ABCD ¢6 tam O va mot truc (£) di qua O . Xéc dinh s6 do cta cac goc gitra
tia OA véi truc (£), biét truc () di qua dinh A cta hinh vudng.

A. 180° +k360°  k e 7. B. 90° + k360°%, k € Z.
C. -90°+k360°, ke Z. D. k360°, ke Z.
Loi gidi:

Tia OA vatruc (£) cing di qua O va A = géc giita tia OA véi truc (£) 1a 0° +k360°.
Biét OMB' va ONB’ 1a cac tam giac déu. Cung o 6 diém dau la A va diém cudi trung véi
B hodc M hodcN . Tinh s6 do cua «a.

A a=2+kZ kez. B.a=-2+kZ ke7.
2 "2 6 3
C.a=£+k2—”,keZ.. D.a:£+k2—ﬂ,keZ.
2" g 6 3

Loi gidi:

4 A2 PA \ \ o A2 A \ /&) A 7[
+Cung «a co6 diém dau la A va diém cudi trung voi Bnén o = R

+ AM = AB+2?7[, AN = AM +2?7[ nén chu ki ctia cung « la 2?7[

Trong mit phiang dinh huéng cho tia Ox va hinh vuéng OABC vé theo chiéu nguoc véi
chiéu quay cua kim déng ho, biét sd (Ox,0A) = 30° +k360°%k € Z, sd (OX, BC) bang:

A. 210°+h360°,heZ. B. 135°+h360°,he Z.
C. -210°+h360°,heZ. D. 175°+h360°,he Z.
Loi gidi:

Goi A’ 1a diém d6i ximg cua A qua O.Tacd:

sd (Ox,BC)=sd (Ox,0A)+sd (OA,OA") = 210°+h360°,he Z.

Trén duong tron véi diém goc la A. Biém M thudc duwong tron sao cho cung luwong giac
AM 6 s6 do 60°. Goi N la diém d6i xting voi diém M qua truc Oy, s6 do cung AN 1la

A. 120°. B. —240°.
C. —-120° hoac 240°. D. 120°+k360°,k € 7Z .
Loi giai:
" =M
ara
AAw.
\ A

Tacé: AON =60°, MON =60° nén AOM =120°. Khi d6 s do cung AN bing 120°.
Cho Z(Ox, Oy)=22°30"+k360°. Tinh k d& (Ox, Oy)=1822°30".

A. . ked. B. k=3. C. k=-5. D. k=5.
Loi gidi:
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Cau 45:

Cau 4e6:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Theo dé: (OX, Oy) =1822°30"' < 22°30'+k360° =1822°30' < k=5.
Cho s6 do cung (Ou,Ov)=25°+k360°,(k e Z) . V6i gid tri nao ctia k thi (Ou,0Ov)=-1055°?
A k=-1. B.k=2. C.k=-3. D.k=4.
Loi gidi:
Ta c6: (Ou,0v)=25°+k360° =—-1055° = k = 3.
Mot banh xe ¢6 72 rang. S6 do goc ma banh xe da quay dwgc khi di chuyén 10 rang la
A. 30°. B. 40°. C. 50° . D. 60° .
Loi gidi:
0

362 =5° =10 banh rang 1a 50°.

+1 banh rdng tuong tng voi

Trén duong tron ban kinh r =5, d6 dai ctia cung do g la

A 1=Z, B. =7, c.1=%. D.1=2
8 8 8 4
Loi gidi:
Do dai cung AB ¢6 s8 do cung AB bang ndd: I =r.n= 5.%.
Trén dwong tron ban kinh r =15, d6 dai cta cung ¢6 sd do 50° 1a
A. 1=750. B.1=15180 -7 D.1=27
T 180 6
Loi gidi:
Tacé: 50° :5—”.
18
zr.n’ 257
== =
180 6
2 1
Cho bdn cung (trén mot duong tron dinh huéng):az—%,ﬂz%,}/:%,é'z%. Cac
cung nao c¢6 diém cubi trung nhau?
A.avapf;yvad. B.fvay,avao. C.apy. D. p,7,0.

Loi gidi:
Tacé: —a=4r= 2 cung o va § c6 diém cubi trung nhau.
y—pB=8r= haicung f va y ¢6 di€ém cudi trung nhau.

7 .7 7 A~ M T 2. 7 ~ AN \ A ? N
Cho goc lugng giac (OA,OB) c6 s§ do bang e Hoi trong cac s0 sau, sO nao la s6 do cia mot

goc luong giac ¢ cung tia dau, tia cudi?

Az B. -1, c. 2. p. 3%
S) 5 3) 5]
Loi gidi:
T 6r-321.
5 5
Trén duong tron luong gidc gdc A cho cac cung co s do:
Lz, -z m, 237 v.- %
4 4 4 4
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Hoi cung nao c6 di€ém cudi trung nhau?

A.ChiIvalL B.Chil, IIvalll. C.ChiLIIvalV. D.ChiILIIvaIV
Loi gidi:
L VP T V.

4" 4 4’ 4 4

Dung gia thiét sau cho cac cau 1,2: Trén duwong tron lwgng giac goc A cho cung AM co
sd AM =a +k2r,k eZ,%<a<7r.

Cau 52: Cho goc a thoa man 90° < o <180°. Trong cac khzfmg dinh sau, kh:fmg dinh nao dung?

A. sina<0. B. cosa=0. C. tana<0. D. cota >0.
Loi giai:
Khéng dinh dtng la tana <0.

Cau 53: Cho goc o théa man 27 <a <57” . Khang dinh nao sau day dung?

A. tana >0;cota>0. B. tana<0;cota<0. C. tana >0;cota<0. D. tana <0;cota >0.
Loi giai:
\ 5 A - A? Ao 2 A 14 A 7 14
Vi 27 <a <2 nén diém cudi ctia cung « thudc goc phan tu thit I, do d6 tana > 0;cota > 0.
2
. 5z ~ s .

Cau 54: Cho2r<a <5 Két qua dung la

A.tana >0;cota > 0. B.tana<0;cota< 0. C.tana >0;cota<0. D.tana <0;cota > 0.

Cau 55: Cho %<a <7z . Két qua nao sau day sai?
. b2 3
A. cos(-a)<0. B. sin| - = |>0. C. cot| —+a |<0. D. tan(z+a)<0.
2 2
Loi giai:
cot[%r+aj=Cot(7r+%+a}=cot[§+a}=—tana>O (do §<a<7z:>tana<0).

Cau 56: Cho « la mot goc bat ki. Trong cac khéng dinh sau, khéng dinh nao sai?

A. -1<cosa<1. B. tanq = 20% [(Z¢£+kﬂJ.
cosa 2
C. sina+cos’a=1. D. tana = 2% (a;tk/r).
sina
Cau 57: Cho goc lugng giac o bat ki. Ménh dé nao sau day dang?
A. sina+cos’a=1. B. sina+cos’a=1.
C. sin2%+c052%=%. D. sin’2a +cos’* 2a =2.

Cau 58: Két qua nao cho ta tim dwoc goc o ?

1 L) 5
N sma—1. 5 smaf—?‘ o sma—E. D. sina=0.3.
o _E \/5 cosg = 2 cosa=0.7
4 COSCZ—? 13
Loi giai:
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Cau 59:

Cau 60:

Cau 61:

Cau 62:

Vi sin2a+cosza=£+%= )
‘169 169
cosa khong thé bang gid tri nao dudi day?
A. 1l B. 2. C. 0,2. D. -0,9.
Cho goc a thoa man —%< a<0 va COSa:%. Gia tri ctia biéu thitc P =sina+ L bang
cos o
A 41V g 4=V 1V p, 13
2 2 2 2
Loi gidi:
Cach 1: Ta cé: sin® a+cos” a=1<>sin® a=1-cos’ a
2
Véi cos ozzl =sin’a=1- 1 :§c>sin aziﬁ
2 2) 4 2
Vi —%<a <0 nén sin a<0=sin az_%'
Vay: P=sina+ :—ﬁ l:—£+22ﬂ.
cosae 2 1 2 2
2
cosa=—
14 .2 - A/ 2 72.
Cach 2: Theo gia thiét: :a:—g.
-—<a<0
Vay P=sina+ =Sin(—£]+;=—€+ 2=4_—f.
cosa cos(—ﬁj
3
Cho sina:% biét 0° < ¢ <90°. Tinh cos«;tan
A. COSa:—@;tanazﬁ. B. COSa:—@;tanaz—@.
4 15 4 15
C. COSa:@;tanaz—@. D. COSa:E;tana:E.
4 15 4 15
Loi gidi:
sinoz—1
Ta o 4 :>COSOt=i@;V(')’i 0° < ¢ <90° nén COSa:@.
2 L2 4 4
cos‘ a =1-sin“a=—
16
sin 1 15
V‘asinazlnén tan o =~ = =\/_.
4 cosa 15 15
2 N
Cho cosa=— (90° < <180°). Khi d6, tana bing
21
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Loi gidi:

) 4 21 ] 1
Tacd: sina=1-cos’a=1-—="==sina =

25 25
Vay, tanazsm—az—@.

cosa 2
Cau 63: Tinh gia tri biéu thic P =sin30°cos90 °+sin90 €os30 ° .

(vi 90° < x <180°).

ol

A. P=1. B. P=0. C. P=£. D. P=£.
2 2
Loi gidi:
Tacéd: P=sin30°c0s90°+sin90°cos30° = %.0+1.§ :73.
Cau 64: cos18° —cos342° bang
A. 1. B. 0. C. 2cos18°. D. —2cos18°.
Loi gidi:
342° = —18° + 360° nén cos342° = cos(—18° ) =cos18°.
Céu 65: 2sin27° —sin153° +sin(-270° ) +5in333° bing
A. 1. B. 2sin27° +1. C.o0. D. sin27°.

Loi gidi:
153° =180° —27° nén sin153° =sin27°; —270° =90° — 360° nén sin(—270°)=sin90° -1
333° = —27° + 360° nén sin 333° = sin(—27° ) — —sin27°.

Cau 66: Gid tri biéu thitc M =tan1°.tan2°.tan3°...tan89° bang

A. 1. B. 2. C. 1. D.

N | —

Loi giai:

M =tanl°.tan2° tan 3°...tan89°
= (tan1°. tan 89°)(tan 2°.tan 88°)...(tan 44°.tan46°).tan 45°
= (tanl°.cotl°)(tan 2°.cot 2°)...(tan44°.cot 44°).tan45° =1.

Cau 67: Trong cac dang thitc sau, dang thtic nao sai?
A. sin(g — xj = COsX. B. sin(% + xj =cosx. C tan(% — xj =cotx. D. tan(% + xJ =cotx.

Cau 68: Cho « la mot goc bat ki. Trong cac khang dinh sau, khang dinh nao sai?
A. cos(r+a)=-cosa. B. sin(r +a)=-sina.
C. tan(r +a@)=—tanc. D. cot(r +a)=cota .
Cau 69: Cho hai goc nhon o va g phu nhau. Hé thitc nao sau day sai?
A.sina=-cosf. B.cosa =sing. C.cosf =sina. D.cota=tang.

Cau 70: Cho tam giac ABC bat ki. Trong cac ménh dé sau, ménh dé nao sai?

A. sin = cosE . B. cos A+C =sir1E .

2 2 2
C. sin(A+B)=sinC. D. cos(A+B)=cosC.
Loi giai:
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Cau 71:

Cau 72:

Cau 73:

Cau 74:

Ta co: cos(A+B) =cos(7z—C)=—cosC, do d4 ménh dé D sai.

Biéu thiee M = tan(%—a}+cot(117ﬂ— aj—tan[BT”+ a)—cot (197”+ aj bang

A. tana +cota B. 2(tana+cota). C. Z(tana—cota). D. tana —cota
L(‘rigidi:
7 T ~ 77 Vs
——a=——-a+37 nén tan| ——a |=tan| ——«a |=cot;
2 2 2 2
117 s N 11z T
——a=—-a+57 nén cot| — —a |=cot| ——a |=tan«a
2 2 2 2

Tuong tw: tan(lST”+aJ =Cot(—a) =—cote; Cot[lgTﬂ+aj = tan(—a) =—tana.

Vay M =2(tana + cota).

Cho tanx =3 Tinh p = 23X =COSX.
SIN X+ COS X
A.P=§. B. Pzg. C. P=3. D. Pzg.
2 4 5
Loi giai:
Do tan x =3 nén cosx # 0. Chia ca t& vamau cia P cho cosx, ta duoc :
2tanx-1 5
Khido P=——=—.
tanx+1 4
1 . , 2 N
Cho goc x thoa man cotx =—. Gia tri biéu thite A=—; - >— bang
2 Sin“ X —sin X.C0S X —C0S~ X
A. 6. B. 8. C. 10. D. 12,
Loi giai:
Do Cotx=% nén sinx #0. Chia ca t va mau caa A cho sin’x, ta dwoc :
2
2 2
Tacd: A= _ . 2 S—— -Sln X = 2(1+Cot X)2
SIN“ X—SIN X.COSX—CO0S” X  SIN“ X—SIN X.COSX—C0S” X 1-—cotx—cot” X
H4
sin‘ X

Vi Cotxzé nén A=10.

Biét tana =2 va 180° <« <270°. Gid tri sina +cosa bang

35 35 345

A -2 B. 1-5. c. 2, D. -2,
5 2 2
Loi giai:
2 1 1 1

COoSs C(=—2=—:>C0805=i—.

l+tan“a 5 \/§
Do 180°<a <270° nén coSa <0 suy ra COSaz—iS.

3 3b

. 2 .
SiIna =tana.coSsa =———. Do d6 Sina+cosag =——=——.

J5 5 5
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Ciu 75: Cho biéu thitc M =tan10°.tan20°.tan 30°.tan 40°.tan 50°.tan 60°.tan70°.tan80°. Gia tri chia M
bang
A. M=0. B. M=1. C. M=4. D. M =8.
Loi giai:
M= (tan 10°.tan8()°)(tan 20°.tan 70°)(tan 30°.tan 60°)(tan40°.tan 500)
= (tan 10°.cot 10°)(tan 20°.cot 20°)(tan 30°.cot 30°)(tan 40°.cot 40°) =1

) | , ta—t .
Cau 76: Cho sina =—. Gia tri ctia biéu thtec A ota—lana bing
3 tana+2cot a
A.l. B. Z C. 1_7 D. l
? 9 81 17
Loi giai:
cosa_sina
Tacd A= cota—tana _ sina cosa _ cos? a—sin’ a

tana+2cota sina+2cosa sin® a +2cos’ a

cosda sina

~ (1—sin2a)—sin2a _1—2sin2a_ 7

- sin’ a+2(1—sin2 a) 2 —sin’a 17

Cau 77: Biéu thtrc sin® x.tan? x +4sin * x —tan ? x +3¢os > X khong phu thudc vao x va cé gia tri bang
A. 6. B. 5. C. 3. D. 4.
Loi gidi:
sin® x.tan® x +4sin® x —tan® x + 3cos? X :(sin2 x—l)tan2 X +3sin? X +3co0s? X +sin? x
a2

) sin? x ) ) )
=—cos’x tan” X +3+sin” X = —cos? X. ——+3+sin’ x =—sin” x + 3+sin® x =3.
cos? x

(1-tan® x)2 1
4tan®x  4sin?xcos? x

Cau 78: Gia tri biéu thiic A= khong phu thude vao X vabang

A. l. B. -1. C. l D. —l.
4 4
Loi gidi:
1 sin?x \’ )
cos? x 1 (cos2 X —sin’ x) 1

~ 4tan® X 4sin®xcos?x  4sin®xcos’x  4sin?xcos? X
A (cos2 X —sin? x+1)(cos2 X —sin? x—l) 2cos? x.(—23in2 x)

4sin? x cos? x 4sin® X cos® x
Cau 79: Gid tri biéu thiec A=sin® x+cos® x+3sin *> xcos * x bang
A. A=-1. B. A=1. C. A=14, D. A=—4,

Loi gidi:
. . 3 . . .
Ta c6: sin® x+cos® x = (sm2 X + COS> x) —3sin? xcos? x(sm2 X + COS> x) —1-3sin? xcos? X .

Suy ra: A=1-3sin’xcos’x+3sin® xcos’ x =1.

Cau 80: Bifu thitc A=+/sinx+4cos?x +cos* x +4sin >x 6 gia tri la
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Chuyén dé LUONG GIAC Toan 11 KNTT

A. -3. B. 2. C. 3. D. 4.
Loi gidi:

A =+sin® x+4—4sin® x +\cos* x +4 —4cos? x :‘sinzx—2‘+‘cos2x—2‘
:(Z—Sinzx)+(2—coszx)=3.
cos* a +sin? o —cos* a

2

Cau 81: Biéu thitc B=— —
sin® @ +cos” o —sin’ &

bang

A. tana. B. tan’«. C. tan’ . D. tan‘«.
L(‘n'gicii:
= 2 2 2 2 2
) cos* a+sin®a—coslg SinTa—|l-cos”acos’a sin”all-cos”a .
Taco: B=— 5 — = . —=— — =tan" a.
sSIn" ¢ +cos“a—sIn“a  cos a—(l—sm a)sm a  Cos a(l—sm a)

ps 7
cos(x —4]cos (4 - xj
Cau 82: Biéu thirc M =

sin® (x + ﬂ}
4

A. 2. B. 1. C. 1. D. 2.
Loi gidi:

2 T .2 Vs
cos (4—x} sin’®| x +4]
Tacd: M= =1.

sin?| x+ 7| sin?|x+%
4 4
P s T T 7 (x (7
——x phu véi = +x——>cos| ——x [=cos| = —| —+x | |=sin | —+x

Hué, 08h20’ Ngay 14 thdng 3 ndm 2023

bang
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Trong qud trinh suu tam va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y cia
quy thay cd cung cdc em hoc sinh! Xin chan thanh cam on!
PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.
Caul:  Cho tam gidc déu ABC (tham khao hinh vé).

B C
Khang dinh nao sau day sai?
A. sd(AB; AC)=-60°+k360° k € Z. B. sd(AB; AC)=-300°+k360° k € Z.
C. sd(AB; AC)=-300°. D. sd(AB;AC)=60°.
Cau2: Cho géc a thoa man 90° < @ <180°. Khang dinh nao sau day dting?
A.sina<0. B. cosa>0. C. tana <0. D. cota >0.

Cau3: Vdibatia Ox,0y,Oz bat ky, ta ludn co:

A. 5d(Ox;0y)—sd(Oy;0z)=sd(Ox;0z)+k360° k e Z.
B. sd(Ox;0y)+sd(Oy;0z)=sd(Ox;0z)+k360° k e Z.
C. sd(Ox;0y)-

sd (0x;0z) = sd (Oy;0z)+k360° k € Z.
D. sd(Ox;QOy)+sd(Ox;0z)=sd(Oy;0z)+k360° k € Z.

Cau4: Dais6 do goc 105° sang radian, ta dugc

A. 5—”rad B. 7—”rad C. 9—”rad D. 5—”rad
12 12 12 8

1
Cau5: Chogoc o thdbaman O<«a <% va CoOS«a =3 Tinh sina.
A 22 B 22 c 22
3 i 3 3
Cau 6: Vi x la goc bat ki, dang thirc nao dudi day sai?

D.

2
.

A.sin(g—xchosx. B.sin(§+x]=cosx. Ctan(%—szcotx. D. tan(%+x]:cotx.

Cau7: DaGis6 do goc —115° sang radian, ta dwoc



Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

A. 23—ﬂrad. B. —237 rad. C. —137 rad. D. 13—”rad.
36 36

Sau quang thoi gian 4 gio kim gio s€ quay dwoc mot goc la

AZ . 2= c 3z p. =

-3 -3 IR ) e
Cac cap goc luong giac nao dudi day c6 cung diém biéu dién trén duong tron lugng giac?
A.7 va 2. B.~ va 3x. C.27 va 3r. D. 0 va r.
Trén duong tron ban kinh r =15, d¢ dai cua cung ¢6 s6 do o =50° la
A. 1=750. B.I:lS.@. C.|:15—7[. D.I=25—ﬂ.

T 180 6

Cho goc a € (72’; 3?7[} . Khang dinh nao dwéi day dting?
A.sina <0 vacosa<0. B. sina >0 va cosa >0.
C.sina>0va cosa<0. D. sina <0 va cosa >0.
Pon gian biéu thirc H = sin[%—aj+ COS(137Z'+ a) - 3sin(a— 57r) :
A. H=3sihna—-2cosa.B. H=3sinax. C. H=-3sinx. D. H=2cosa +3sina .

PHAN II. CAu tric nghiém dting sai. Thi sinh trd 10i tir cdu 1 déh cdu 4. Trong mbi y a), b), c), d) & mbi cu,
thi sinh chon diing hodc sai (dién ddu X vao on chon)

Caul:

Cau 2:

Cho géc hinh hoc #Ov c6 s8 do bang 30° (tham khao hinh vé).

(4

30°
(0]

Khang dinh Dung | Sai

d) | sd(Ov;0u)=330°+k360°k € Z.

Trén duong tron véi diém goc la A. Diém M thudc duwong tron sao cho AOM =60° (tham
khao hinh vé).

Goi N la diém d6i xiing voi diém M qua truc Oy.

Khang dinh Dung | Sai

a) | sd(OA;0M)=60°.




b) | sd(OA;0M)=-300°+k360°k € Z.
€) | sd(OA;ON)=120°.

d) | sd(ON;OM)=300°+k360° k € Z.
Cau3: Cac khang dinh sau dung hay sai?

Khéng dinh Dung Sai
a) Trén duong tron ban kinh r =15, d6 dai ctia cung c6 sd
do a =50° 1a 25—”

b) Mot dong ho treo twong, kim gio dai 10,57cm. Trong
30 phuat, mii kim gio vach 1én cung tron c6 do dai gan
voi 2,77¢m.

C) Mot banh xe c6 72 rang. SG do géc ma banh xe da quay
duoc khi di chuyén 10 ring la 50°.
d) Banh xe dap cé ban kinh 50cm. Mot nguoi quay banh

xe 5 vong quanh truc thi quang dwong di dwoc la
2507 (cm).

Cau4: Chogoc o théaman 2z <a< o

Khang dinh Dung | Sai
a) sina > 0.
b) cosa > 0.
C) tana > 0.
d) cota >0

PHAN III. Cu tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dén cu 6.

Cau 1: Cho sinx:% voi 0<x<%. Biét tanxz%,a,beN*,% toi gian, tinh a+b.

Két qua: ]
Trinh bay:

1 : .
Cau 2: Cho cosx:g.Tinh gia tri biéu thiec P =3sin® x+4co0s’ X .

Két qua: ]
Trinh bay:



Cau 3:

Cau 4:

Cau 5:

Cau 6:

Biét Zsin(%{—x)+3cos(197z—x): k cosx,vxe R . Tinh k.

Két qua: ]
Trinh bay:

.. o SInx++2cosx a++2
Cho tanx =2 vdi 0<x<§. Biét = \/7

- ;a;beN, tinh a+b.
2cosx+3sinx

Két qua: [ ]
Trinh bay:

Mot banh xe dap quay duoc 25 vong trong 10 giay.

Tinh d6 dai quang duong ma nguoi di xe thuc hién dwoc trong 2,35 phut, biét rang ban kinh
banh xe bang 340mm . (Tinh theo don vi mét, két qua duoc lam tron dén hang don vi).

Két qua: ]

Trinh bay:

Mot chiéc du quay c6 ban kinh 75m, tam cta vong quay ¢ do cao 90m so voi mat dat, thoi
gian thuc hién mdi vong quay ctia du quay 1a 30 phtit. Néu mdt nguwedi vao cabin tai vi tri thap
nhat ctia vong quay, thi sau 20 phit quay, nguoi d6 ¢ d¢ cao bao nhiéu mét so véi mat dat?



vh

Két qua:

Trinh bay:
HET
Hué, 14h00’ Ngdy 18 thdang 6 nam 2024
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PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.
Caul:  Cho tam giac déu ABC (tham khao hinh vé).

B C
Khang dinh nao sau day sai?
A. sd(AB; AC)=-60°+k360° k € Z. B. sd(AB; AC)=-300°+k360° k € Z.
C. sd(AB; AC)=-300°. D. sd(AB; AC)=60°.
Loi giai
., |sd(AB;AC)=60°+k360°
Céac két qua dung:

sd( AB; AC)=-300°+ k360° "

Cau2: Cho géc o thoa man 90° < @ <180°. Khang dinh nao sau day dtng?
A.sina<0. B. cosa>0. C. tana<0. D. cota >0.
Loi gidi:
Khéng dinh dung la tana <0.

Cau3: Vdibatia Ox,0y,0z bat ky, ta ludn co:
A. 5d(Ox;0y)—sd(Oy;0z)=sd(Ox; 0z
B. sd(Ox;0y)+sd(Oy;0z)=sd(Ox;0z
C. sd(Ox;0y)—sd(Ox;0z)=sd(Oy;0z)
D. sd(Ox;0Oy)+sd(Ox;0z)=sd(Oy;0z)

Cau4: Dadis6 do goc 105° sang radian, ta duoc

+k360°,k € Z.
+k360°,k € Z.
+k360°,k € Z.
+k360°,k € Z.

)
)

A. 5—”rad. B. 7—”rad C. 9—”rad. D. 5—”rad
12 12 12 8
Loi gidi
Cach 1: Ta cé: 105° & rad = 7—” rad
180 12



Cau5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Cau 10:

1059 °

7
TN
Cach 2: Stt dung MTCT 12

, N T 1
Cho géc a théaman O< « <E va Cosa =3 Tinh sina.

A 22 g 22 c 2 D.

|

3 =3 3
Loi giai:

2 sino:——\/5

Ta cé: sinzazl—coszazl—[lj =§<:> 3

3) 9 | . 22

smazT

22

Do O<a«a <% nén chon sina ZT'
Véi x 1a gée bat ki, dang thikc ndo duwdi day sai?
A. sin(g - xJ =(CoS X. B. sin(% + x] =cosx. C. tan(% - xJ =cotx. D. tan(% + x] =cotx.
Loi giai:
, T
Ta co: tan(E + x] =—cotx.

Dai s6 do goc —115° sang radian, ta dugc
231 —231 -137 137

A. ——rad. B. rad. C. rad. D. ——rad.
36 36
Loi gidi:
Cich 1: Ta c6: ~115° = 2227 |rad = 257 paq.
180 36
JoF | i
—-115°
_23
i
Cach 2: St dung MTCT 36
Sau quang thoi gian 4 gio kim gio sé quay dwoc mot goc la
AZ s E= c 3= p =
3 B. 3 IR e
Loi giai:
a
Sau 1 gio kim gio sé quay dwoc mot goc la 5
V4 2r
Sau 4 gio kim gio sé quay dwoc mot goc la 6'4 =3
Cac cdp goc luong gidc nao dudi day cé cting diém biéu dién trén duong tron lwgng gidc?
A.7 va 2r. B.7 va 3x. C.27 va 3. D. 0 va 7.
Loi gigi:
Ta co: 37— =2nx.
Trén dwong tron ban kinh r =15, d6 dai cta cung c6 s6 do a =50° la
AL 1=750. B.1-1520 BT D.1=2%
7T 180 6



Cau 11:

Cau 12:

Loi giai:
Ta c6: 50° =5—ﬂ == ra=25—”.
18 6

Chogéc a € (72’; 3?7[} . Khang dinh nao dwéi day dung?

A.sina <0 va cosa <0. B. sing >0 va cosa >0.
C.sina>0vacosa<0. D. sina <0 va cosa >0.

Pon gian biéu thic H = sin[% - aj + cos(l?w + a) - 3sin(a— 57r) .

A. H=3sina—-2cosa.B. H=3sin . C. H=-3sina. D. H=2cosa +3sinc .
Loi gidi:

Taco H :sin(S—”—aj+cos(137r+a)—35in(a —57r) = sin(z—aj+cos(;r+a)+3sin(57r—a)
2 2

:sm(z—a]+cos(7z+a)+3sm(7z—a) =CoSa —CoSa +3sina =3sina.

PHAN II. CAu tric nghiém dtng sai. Thi sinh trd 10i tir cdu 1 déh cdu 4. Trong mbi  a), b), c), d) & mbi cu,
thi sinh chon diing hodc sai (dién ddu X vao on chon)

Caul:

Cau 2:

Cho géc hinh hoc #Ov c6 s8 do bang 30° (tham khao hinh vé).

(4

30°
o
u

Khang dinh Dung | Sai
a) sd(Ou; Ov) =30° X
b) | sd(Ou;00)=30°+k180° k e Z. X
C) sd(Ov, Ou) =-30°. X
d) | sd(Ov;Ou)=330°+k360°k € Z. X

Loi gidi:

a) b) Ta c6: sd(Ou;O0v) =30°+k360°, k € Z.

, | sd(Ov;Ou) =330°+k360°

c) d) Ta co: ,
sd(Ov; Ou) =-30°+k360°

Trén duong tron véi diém goc la A. Diém M thudc duong tron sao cho AOM =60° (tham
khao hinh vé).



Goi N la diém d6i xing voi diém M qua truc Oy.

Khéng dinh Dung Sai
a) | sd(OA;0M)=60°. X
b) | sd(OA;0M)=-300°+k360°k € Z. X
) | sd(OA;ON)=120°. X
d) | sd(ON;OM)=300°+k360° k € Z. X
Loi giai:
sd(OA;ON)=120°+ k360°
Ta c6: AON =120°—— ke
sd(OA;ON ) =-240°+ k360°
, | sd(ON;OM)=300°+k360°
d) Ta co: Jkel.
sd(ON;OM ) =—60°+k360°, k € Z.
Cau3: Cac khang dinh sau dung hay sai?
Khang dinh Dung | Sai
a) Trén duong tron ban kinh r =15, d dai ctia cung c6 sd X
do a =50° la 25—”
b) Mot dong ho treo tuong, kim gio dai 10,57cm. Trong X
30 phuat, mii kim gio vach 1én cung tron cé d6 dai gan
voi 2,77cm,
C) Mot banh xe c6 72 rang. SO do goéc ma banh xe da quay X
duoc khi di chuyén 10 rang 1a 50°.
d) Banh xe dap c6 ban kinh 50cm. Mot nguoi quay banh X

xe 5 vong quanh truc thi quang dwong di dwoc la
2507 (cm).

Loi giai:




a) Ta co: 50°=i—78T:>|:ra=25_”

2705 =«

b) Trong 30 phut mi kim gio quét dwgc mot goc la o

Vay I =a.R :%.10,57 = 2,77cm.

[e]

¢) 1 banh rang twong tng voi 362 =5° =10 banh rang la 50°.

d) Ta c6: r =50cm suy ra | =50.27.5=5007(cm).

Cau4: Chogoc o théaman 2z <a< 5?” :

Khang dinh Dung | Sai
a) sina > 0. X
b) cosa > 0. X
C) tana > 0. X
d) cota >0 X
Loi giai:

Vi 27r<a<5?7r nén diém cudi cta cung goc « thudc géc phan te tht (I), do do

tana > 0;cota > 0.
PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10 tie cdu 1 déi cdu 6.

Cau 1: Cho sinx=% véi 0<x<§. Biét tanxz%,a,beN*,% toi gian, tinh a+b.

Trinh bay
Loi gidi:
cosx=—=
Ta céd: cos’x=1-sinx=—<
22
cosx=———

Do O<x<% nén cosx >0—— Chon cosx=¥.

Ta co: tanxzsmxzﬁ sa=1b=4——>a+b=5.
cosx 4

1 : .
Cau 2: Cho cosx:g.Tinh gia tri bidu thiec P =3sin® x+4c0s’* X .

’ 2
Két qua: ?8




Cau 3: Biét 23in(97ﬂ—xj+3cos(197z—x): k cosx,vxe R . Tinh k.

Két quis
Trinh bay:

Loi gidi:
Tacod: T = Zsin(4n+%— xj+3cos(187z+7z— X)

= Zsin(%— xj+3c:os(7z—x) =2C0SX—3C0S X =—Co0SX——>k =—1.

, Sinx++v2cosx a+x/§.

Cau 4: Cho tanx=2 véi 0<x<2Z. Biét - ;a;beN, tinh a+b.
2 2cosx+3sinx
et qus
Trinh bay:
Loi giai:

Do tanx =2 nén cosx #0.
Chia ca tr va mau cua biéu thitc cho cosx, ta dwoc:
sinx
) — = +42
SINX+v2CO0SX  cosx \/_ B tanx+x/§ B 2+\/E

2cosx+3sinx 243, sinx 2+3tanx 8
COS X

Cau 5: Mot banh xe dap quay dugc 25 vong trong 10 giay.

a=2,b=8——a+b=10.




Cau 6:

Tinh d6 dai quang duong ma nguoi di xe thuc hién dwoc trong 2,35 phit, biét rang ban kinh
banh xe béng 340mm. (Tinh theo don vi mét, két qua duoc lam tron dén hang don vi).
Két qua: 753
Trinh bay:
Loi giai:
Sau 2,35 phut ( = 141 giay), sO vong ma banh xe thuc hién dwgc la:
% =352,5 vong.
10

Ban kinh banh xe: R =340mm =0,34m.
Quang duong ma nguoi di xe dap thuc hién duoc sau 2,35 phat la:
352,5-27R=352,5-27-0,34 = %ﬂ' ~ 753(m).
Mot chiéc du quay ¢ ban kinh 75m, tam cta vong quay ¢ d6 cao 90m so véi mat dat, thoi
gian thyee hién méi vong quay ctia du quay la 30 phat. Néu mot nguoi vao cabin tai vi tri thap
nhat ctia vong quay, thi sau 20 phtt quay, nguoi d6 ¢ do cao bao nhiéu mét so vdi mat dat?

V4

Két qua:
Trinh bay:
Loi gigi:

Do tinh d6i xting, du du quay chuyén dong theo chiéu kim déng ho hay ngugc chiéu kim
déng hd, ta déu thdy rang do6 cao ctia ngudi d6 1a nhue nhau sau cting mot khoang thoi gian.
O day ta xét du quay chuyén dong theo chiéu kim dong ho.

Gin du quay c6 ban kinh 75m, tam cua vong quay ¢ d¢ cao 90m vao hé truc toa do Oxy ta



dwoc hinh bén:

° \—{t)

Sau 20 phut quay cabin di dwoc mét géc 1a % -360° = 240° tacla dén vi tri diém H .

Khi d6 goc HOJ =30° va HJ =0OH.sin30° =37,5(m).
Vay sau 20 phut quay, nguoi d6 & do cao 37,5+90=127,5(m).
HET
Hué, 14h00’ Ngdy 18 thdang 6 nam 2024
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Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y clia
quy thiy co cung cdc em hoc sinh! Xin chin thanh cam on!
PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.
Caul: Chohinh vuéong ABCD tam O (tham khao hinh vé).

Khang dinh nao sau day sai?

A. sd(OA;OB)=90°. B. sd(OA;OB)=90°+k360° k € Z.
C. sd(OA;OB)=-90°+k360° k  Z. D. sd(OA;OB)=-270°+k360° k e Z.
Loi gidi:

Cau2: Cho géc o thoa man 90° < & <180°. Khang dinh nao sau day dtng?
A. sina <0. B. cosa >0. C. tana<0. D. cota>0.

Cau3: Gobccdsodo 2?7[ ddi sang d¢ la
A. 240°. B. 135°. C. 72°. D. 270°.

A . o T . 2
Cau4: Chogoéc a thoaman 7<a<0 va cosa =—. Tinh sina.

A 22 B. 5, c 2 p. =5
3 3 ) 3 3
Cau’5: Trén duong tron luong giac, di€ém biéu dién goc luong giac ¢ s6 do 120° la diém nao trong 4

diém M,N,P,Q nhu hinh bén dudi?

/S
\

A. diém M. B. diém Q. C. diém N. D. diém P.

Cau6: Chobiét sin a—cosa:%.Tinh M =sina.cosa.



3 J7 -8 7

AM=—. BM=—. CM=—. D.M=——.
8 4 3 4
Cau7: Cac cap goc luong giac nao dudi day co cung diém biéu dién trén duong tron luong giac?
AL va 2—” B.Z va _2—” . w22, D. % va 4—”
3 3 3 3 3 3 3 3

Cau8: Chohaigdécnhon o va f phunhau. Hé thitc nao sau day sai?
A.sina=-cosf. B.cosa=sing. C.cosf=sina. D.cota=tanpg.
Cau9: Mot banh xe ¢6 72 rang. S6 do géc ma banh xe da quay duoc khi di chuyén 10 rang la
A. 30°. B. 40°. C. 50°. D. 60°.

Cau10: Trén dwong tron ban kinh r =5, d¢ dai ctia cung do o =g la

Al1=Z B.1= c.1=2" D.1=-Z.
8 8 8 4
A 7. \ 7 Y \ 1572- M
Cau1l: Voi o la gocbatki, M =cos a—T bang
A. sina. B. —sina. C. cosa. D. —cosa.

Cau12: DPon gian biéu thiecM = 003(37” - a)—sin (3?7[— a) + cos(a—%rj —sin (a—%).

A. M =2sina. B. M =-2sina. C. M =2cosa. D. M =-2cosa.
PHAN II. Cau tric nghiém duang sai. Thi sinh trd loi tir cdu 1 dén cdu 4. Trong moi ya),b)c)do moi cdu,
thi sinh chon diing hodc sai (dién dau X vao on chon)
Caul: Céc khang dinh sau dung hay sai?

Khang dinh Dung | Sai
a) 7 =360°.
b
) 1°=" rad

180

c) _T_ 450
4

9 105° = Iz rad

Cau2: Cac khang dinh sau dung hay sai?
Khang dinh Dung Sai
a) | Diém biéu dién ctia géc lwong gidc c s6 do 218 1a diém M
thudc goéc phan tu thw (1) cua duong tron lugng giac thoa
man AOM =218’
b) | Diém biéu dién ctia géc luong gidc c6 s6 do —405  1a diém N
thudc géc phan tu thit (IV) cua duong tron luong giac thoa
man AON =-45,

A2 A7 « X 2 7 .7 ’ A 257[ \ o« A?
biém biéu dién cua goc lwong gidc cd s6 do 4 la diém P
thugc géc phan tw the (I) cia duwong tron luwong giac thoa

man AOP = Z.
4

o A2 « A7 « X 2 7 .7 ’ A 157[ \ o« A2
biém biéu dien cta goc lugng gidc c6 s6 do > la diém




Q(0;-1) thudc duong tron lugng giac thoa man AOQ = -z

2
Cau3: Véi a la gbc bat ki va biéu thikc cé nghia, cic khang dinh sau dting hay sai?
Khéng dinh Dung Sai
a) sm(ﬂ a)zcosa.
b) tan(;r+a)=tana.
C) cos(a 20257r) cosa.
d
) ( j+cos(137z—a)=0.
Cau4: Cho tanx=-3 vdi E<x<7z
Khang dinh Dung | Sai
a) cotx = 1
3
b) J10
COSX =——.
10
c) . 310
sinx = ——.
10

d) 2sin? x +/3 cos? x a+b[

. | cos?x+2sin’x+1 29
PHAN III. Cau trac nghiém tra 10i ngan. Thi sinh trd loi tie cdu 1 dén cdu 6.

sa;beN va a+b=19.

A 4 2 ~ 72- \ 1 A, .7 . 2 A7 ’
Caul: Cho goc o« thoa man —E<a<0 va Cosa:E. Biet gia tri cua biéu thtc

P=sin a+ 1 :a_\/g,(a;beN). Tinh a+b.

cosa b
Két qua: ]
Trinh bay:

Ciu2: Tim sOthuc k thoa man tan (177” — Xj + 200t(57r + X) =kcot x.

Két qua: ]
Trinh bay:

Cau3: Mot nguoi di xe dap da di duoc quang duong 494,8m trong thoi gian 2 phut. Biét rang
duwong kinh banh xe 1a 700mm. Hoi trong 3 gidy banh xe quay dwoc mot goc lwong giac ¢6 s6



Cau 4:

Cau5:

Cau 6:

do (don vi Radian) la bao nhiéu (gia st banh xe quay theo chiéu duong, két qua lam tron dén
mot chit s6 sau ddu phay)?

Két qua: ]

Trinh bay:

Tinh gia tri m thoa man sin® & +cos® & + msin’ a cos’ @ =1, Va € R.
Két qua:
Trinh bay:

Cho goc «a théa man tana= 2 va gia tri cua biéu thac

3 sina —Ccosa _3(\/5_b)
sinfa+3cos’a+2sinad 8Ja+3

Két qua: ]

Trinh bay:

,a;beN. Tinh a+h.

Kim phut cta dong ho dai gap 1,5 Tan kim gio. Tt Itic 12h hai kim gdp nhau thi sau khoang
thoi gian ngan nhat 1a %(h ) (véi a,b 1a s6 nguyén duong; % la phan sb t6i gian) hai kim lai

gdp nhau lan ti€p theo. Tinh a+b.
Két qua: ]
Trinh bay:
HET
Hué, 14h00’ Ngay 18 thdang 6 nim 2024
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PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Cau1l:

Cau 2:

Cau 3:

Cau 4:

Cho hinh vuéng ABCD tam O (tham khao hinh vé).

Khang dinh nao sau day sai?

A. sd(OA;OB)=90°. B. sd(OA;OB)=90°+k360° k € Z.
C. sd(OA;OB)=-90°+k360° k  Z. D. sd(OA;OB)=-270°+k360° k € Z.
Loi gidi:

sd(OA;OB)=90°+k360°
Sk e
sd(OA;OB) =-270°+k360°
Cho géc a thoa man 90° < o <180°. Khang dinh nao sau day ding?
A. sina <0. B. cosa=>0. C. tana<0. D. cota >0.
Loi gidi:
Khéng dinh ding la tana <0.

Céc két qua dung:

Goc cos0 do 2?7[ ddi sang d¢ la

A. 240°. B. 135°. C. 72°. D. 270°.
Loi giai:
Cach 1: Ta co: 2z = (@j =72°.
5 5
VT i
2R r
5
Céch 2: St dung MTCT 72°0° 0"
Cho goc a thdéa man % <a<0 vacosa= % . Tinh sine.
A.ﬁ. B.ﬁ. C.ﬁ. lﬁ;
3 3 3 3

Loi gigi:



Cau5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Ta cé: sinzazl—coszazl—(—

- N .
Do — < a <0 nén sina <0—— chon sina =

Trén duong tron luong giac, diém biéu dién goc luong giac co s6 do 120° 1a diém nao trong 4
diém M,N,P,Q nhu hinh bén dudi?

A. diém M. B. diém Q. C. diém N. D. diém P.

Cho biét sin a—cosa:%.Tinh M =sina.cosa.

AM=2. B.M:ﬂ, cMo8 D.Mzﬁ.
8 4 3 4
Loi gidi:

. 1 . > 1 ., . , 1
Ta co: sma—cosa:5—>(sma—cosa) :Z<:>sm a—2sinacosa -+ cos a:Z

) 1 . 3
<1-2sinacosa= Z < sinacosa = 5.

CAc cdp goc luong gidc ndo dudi day cb cung diém biéu dién trén duong tron lwong giac?

AL va 2—7[ B.Z va _2—” C.”% va 5—” D. % va 4—”
3 3 3 3 3 3 3 3
Loi giai:

Ta co: 7 (% =27.
3 3

Cho hai géc nhon o va g phu nhau. Hé thitc nao sau day sai?

A.sina =-cos f. B.cosa=sing. C.cosf=sina. D.cota=tanfg.
Mot banh xe ¢6 72 rang. S6 do gdc ma banh xe da quay dwoc khi di chuyén 10 rang la
A. 30°. B. 40°. C. 50°. D. 60°.

Loi gigi:

[e]

+1 banh rang tuong tng voi 362 =5° =10 banh rang la 50°.

Trén dueong tron ban kinh r =5, d6 dai ctia cung do o =g la

_3r | =7,

A=z, B. | z
8 8 8 4

Loi gigi:



bodaicung AB: |l =r.a = %
A 7. \ 7 A, \ 1572- M
Caull: Vi a la gocbat ki, M =cos| a S bang
A. sina. B. —sina. C. cosc. D. —cosc.
Loi giai:

Tacd: M= Cos(a—BT”] = cosLa—8ﬂ+§j = cos(a +§j =-—sina.

Cau12: DPon gian biéu thicM = cos(:%Z ~ a)—sin (37”— a] + cos(a—%j —sin (a—%).

A. M =2sina. B. M =-2sina. C. M =2cosa. D. M =-2cosa.
Loi giai:
Ta co: M :cos[Zn—%—a}—sin(Zﬂ—%—a]+cos[a—4n+%)—sin(a—4n+%}

T . T T . T
=cos| =+a |-sin| —=—a |+cos| a+= |-sin| a+=
(2 j ( 2 ] ( 2) ( Zj

=-—sina+cosa—sina—cosa =-2sina.
PHAN II. Cau tric nghiém dang sai. Thi sinh trd l0i tie cdu 1 dén cdu 4. Trong moi y a), b), ¢), d) & mdi ciu,
thi sinh chon diing hodc sai (dién ddu X vao on chon)
Caul: Céc khang dinh sau dung hay sai?

Khang dinh Dung | Sai
a) 7 =360°. X

b X

) 1°=-"rad.
180
| E e X
4
9 105° = z rad. X
12
Cau2: Céc khang dinh sau dung hay sai?

Khang dinh Dung Sai

a) | Diém biéu dién ctia géc lwong gidc c s6 do 218 1a diém M X

thudc goéc phan tu thw (1) cua duong tron lugng giac thoa
man AOM =218’
b) | Diém biéu dién ctia géc luong gidc c6 s6 do —405" 1a diém N X
thudc géc phan tu thit (IV) cua duong tron luong giac thoa
man AON =-45.

2 A2 « X 2 7 .7 ’ A 25 \ o« A? X
) biém biéu dién cua goc lwong gidc cd s6 do Tﬂ la diém P
thudéc goc phan tu tht (I) cia duong tron lugng giac thoa
man AOP =2,
4
d) X

A2 A2 « X 2 7 .7 7 ar 157[ \ - A2
biém biéu dien cta goc lugng gidc c6 s6 do > la diém




Q(0;-1) thudc duong tron lugng giac thoa man AOQ = —%.

Loi giai:
a) Diém biéu dién ctia géc luong gidc c6 s8 do 218" 1a diém M thudc géc phan tu thit 111 ctia
duong tron luong giac thoa man AOM = 218" (Hinh 1).

]

M

-1
Hinh 1
b) Ta cé: 405 =-45 —360 . Diém biéu dién ctia goc lwgng giac c6 s6 do —405 1a diém N

thudc gdéc phan tu thie IV ctia duong tron leong gide thoa man AON =45 (Hinh 2).
v

1
/() Az
-1

N
Hinh 2
c) Ta cé: Ziﬂ- =z +424” = % +67 . Diém biéu dién ctia géc lwong gidc c6 s8 do 25772- la diém
P thudc goc phan tu thit I cua dwong tron luong giac thoa man AOP = z (Hinh 3).

b | 3

Y
-l/

! )
-1

Hinh 3



d) Ta co: 15—” = 16”2_ il

T N o A? « X 53 7 . 7 7 ~ 157[ \ o« A2
= _E + 87 . Diém biéu dién cta goc lwong gidc cd s6 do T la diém

Q(0;-1) thudc dwong tron luong giac thoa man AOQ = % (Hinh 4).

¥

1

Hinh 4
Cau3: Véi a 1a gbc bat ki va biu thiic cé nghia, cic khang dinh sau dting hay sai?
Khang dinh Dung | Sai
a) sin(7 —a)=cosa. X
b) tan(z +a)=tana. X
) cos(a - 20257r) =cosa. X
d X
) sin(zoi&r +(Z]+COS(137T—(Z)=O.
Loi giai:
a) sin(;r - a) =sina.
C) cos(a - 20257[) = Cos(a +7— 20267z) = cos(a + 7[) =—cosa.
d) Ta co: sin(ZOZSﬁ + aj + Cos(137r - a) = sin(lOlZﬂ + % + aJ - Cos(—a)
(7
= sm(—+a]—cos(—a) =cosa —cosa =0.
2
Caud: Cho tanx=-3 véi Z<x<r.
Khang dinh Dung | Sai
a) cotx = 1 X
3
b) 10 X
cosx=——
10
0) 310 X
sinx=——.
d) 7 sin> 2 X
51121 x+ﬁ§os A a+b\/§;a;b eNvaa+b=19.
cos” x+2sin” x+1 29
Loi gigi:
Ta co: cotx = 1

tanx 3



cosX =
, 1 1
Tacé: 1+tan’ x=——— < cos’y=————=—
cos” x l+tan“x 10 -J10

N

Do %<x<7r nén cosx <0—— Chon cosx=T.
310
10

d) Do tanx=-3 nén cosx # 0.

Ta co: sinx =cosx.tanx =

Chia ca t& va mAu ctia bi€u thike cho cos® x, ta duoc:
Dtan® x +/3 18++/3
2 2 = > = 18;b = ]..
14+ 2tan x+1(1+tan x) 29

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén cdu 6.

Caul:

Cau 2:

. . < z , 1 e g e
Cho goc « thoa man —E<a<0 va Cosa:E. Biet gia tri

P=sina+ r _ a_\/g,(a;beN). Tinh a+b.
cosa b

Két qua:

Trinh bay:

Loi gidi:

Céch 1: Ta cé: sin? a+cos® a=1<>sin? a=1-cos’* a

NG

2
Voi Cosoz:1 =sina=1— 1 =§<:>Sin o=t—
2 2 4 2

. T ~ . ]
Vi ——<a<0 nén Slna<0:S|na:—7.

Vay: P=sina+ = YTy ¥
W cosae 2 1 2 2
2
Cosa=—
. s 2 %
Cach 2: Theo gia thiét: :>0(:—§.
-—<a<0

Vay P=sina+ :sin(—z}r;:__%zzu.

CoS« 3

Vay a=4,b=2——a+b=6.

Tim sO thuc k thoa man tan (1777[ - Xj + 200t(57r + X) =kcot x.

caa biéu thitc



Cau 3:

Cau 4:

Két qui
Trinh bay:

Loi giai:

Ta cé: tan (8n+%—xj+200tx = tan(%— xj+2cotx =cotx+2cotx=3cotx——k =3.

Mot nguoi di xe dap da di duwgc quang duong 494,8m trong thoi gian 2 phut. Biét rang
duong kinh banh xe la 700mm. Héi trong 3 gidy banh xe quay dwoc mét goc luong gidc c6 s6
do (don vi Radian) la bao nhiéu (gia st banh xe quay theo chiéu duwong, két qua lam tron dén
mot chit s6 sau ddu phay)?

Két qua: 35,3

Trinh bay:

Loi giai:

Doi don vi: 700mm=0,7m.

Chuvibanhxela C=2zr=0,77m.

494,8

Trong 2 phuat banh xe quay dwoc sd vong la: n= ~ 225 (vong).

Méi vong banh xe da quay dwoc mot goc 360° tuong tng véi 27 (radian) nén trong 3 giay

. . , PV 3 494,8
banh xe da quay dwoc goéc luong gidc cd s6 dola: o = —.———27 =~ 35,3.

120 0,7«
Tinh gia tri m théa man sin® & +cos® & + msin® e cos’ @ =1, Va € R.
Trinh bay:
Loi giai:
Ta c6: sin® a +cos® a =(sin” a +cos’ a ) (sin* a —sin” a cos’ & +cos* ).
. : . 2 . .

=sin’ o +cos' @ —sin’ & cos’ & = (sin” e +cos’ &) —3sin’ czcos’ & =1-3sin’ arcos’ a.

Suy ra:sin® a +cos® a + msin® o cos’ & =1 <> 1-3sin’ a cos’ o + msin® a cos’ o =1
< (m-3)sin®acos’ @ =0,Ya e R——>m=3.



Cau 5:

Cau 6:

Cho géc « théa man tana=+2 va g4 tri cia biéu thic

3 sina —cos«a _3(\/5—b)
sin® @ +3cos’ a+2sine 8Ja +3

Két qua:
Trinh bay:

,a;beN. Tinh a+b.

Loi giai:

Vi tana = \/E nén cosa # 0. Chia ca t&r va mAiu ctia biéu thie C cho cos® «, ta dwoc:
sina. 11 s ,

C__ cosa cos’a  cosla =tana(1+tan a)—(1+tan a)

sina 1 tan3a+3+2tana(l+tan2a)

cosa cos’a

_(1+tan2a)(tana—1)_ (1+2)(J§_1) _3(\/5—1)

C 3an’a+2tana+3  3.202+242+43 8243
Kim phut cua dong ho dai gdp 1,5 lan kim gio. Tw luc 12h hai kim gdp nhau thi sau khoang

tan ¢ +3+2-

/azz;bzl.

thoi gian ngan nhat 1a %(h ) (v6i a,b la s6 nguyén duong; % la phan sé téi gian) hai kim lai

gdp nhau lan tiép theo. Tinh a+b.

Két qua:

Trinh bay:

Loi giai:

Goi d6 dai kim gio, kim phut lan luwot la R; 1L5.R.

T lac 12h dén khi gdp nhau lan tiép theo kim gio quay dwgc mot goc la o thi kim phut quay
duoc mot goc la a + 27 . Quang duong kim gio, kim phut da quay duwoc lan luot 1a

a.R; (a + 27[).1,5R .

Van toc kim phut nhanh gép 121an kim gio nén goi kim gio ¢ van tdc la v thi kim phat c6
van toc la 12.v.

Vi thoi gian tr luc 12h dén khi gdp nhau lan tiép theo hai kim quay nhu nhau nén ta cé:

aR _(a+27)A5R _ ) 15 av2n)=a=2E.
v 12v 7

, N 2 o, 12
Mot vong kim gio quay duoc goc la 27 hét 12h, thi d€ quay dwoc goc 77[ sé hét = (h).
Vay a=12,b=7=a+b=19.
HET
Hué, 14h00’ Ngdy 18 thang 6 nam 2024
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Truong THPT Ding Huy Tr SDT: 0935.785.115 Facebook: Lé Ba Bao

116/04 Nguyén Lo Trach, TP Hué Trunﬁ tam Km10- Huong Tra — Hué

Trong qud trinh suu tdm va bién soan, néu tai liéu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y cia

uy thiy co cung cdc em hoc sinh! Xin chdn thanh cam on!
PHAN 1. “ Céu trac nghiém v6i nhiéu phwong an lwa chon. Thi sinh trd 1oi tie cdu 1 dén ciu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.
Cau 1: Diém P trén duong tron luong gidc (tham khao hinh vé&) biéu dién géc lugng gidc 6 s6 do la
Yy

111 v

A.—%+k27r,keZ. B.—%+k360°,keZ.C.%+k360°,keZ. D.%+k27z,keZ.

Cau 2:  Goc 6 s do 135° ddi sang radian la

A B. 7. c.3. D.>%.
4 4 8 8
Cau 3: Cho gbc hinh hoc uOv = 40°. Xac dinh sd do cua goc lugng giac sau:
v
u
0]
A. 400°. B. 40°. C. — 400°. D. 4000°.

Cau 4: Cho3tia Ou,0v,0w.Ménh dé nao dudi day dung?
A. sd(Ou,Ov) + sd(Ow,Ov) = sd(Ow,Ou) + k180°(k € Z) .
B. sd(Ou,Ov) +sd(Ov,0w) = sd(Ou,Ow) + k360° (k € Z) .
C. sd(Ou,Qv) + sd(Ow, Ov) = sd(Ou,Ow) + k360°(k € Z).
D. sd(Ou,Ov) —sd(Ov,0w) = sd(Ou,Ow) + k180°(k € Z) .



3.7

Cau 5: Trén duong tron lwong giac cho diém M [Z : T} . Tinh sin cta géc lwong giac (OA; oM ) .

b A

A B. c.—.
4 J7 3

Cau 6: Trong cac dang thirc sau, dang thirc nao sai?

3 ﬂ 3 Dﬂ
7 . .

A. sinzzl. B. coszzﬁ. C. cot5—”:—\/§. D. tanzzo .
6 2 4 2 6 2

Cau 7: Cho % < a < 7. Xac dinh dau cua biéu thitc M = COS(—%+aj.tan (7[—0{).

A.7M=0. B. M >0. C. M <0. D. M <0.
Cau 8: Ddng thitc nao sau day dung voi moi x ?

A.sin(-x)=-sinx.  B. cos(—x)=-cosx. C.cot(—x)=cotx.  D. tan(—x)=tanx.
Cau 9: Dang thtic ndo sau day dtng v6i moi x ?

A. sin(90°—a)=cosa . B. cos(90°—a)=—sina.

C. tan(90°-¢)=tana. D. cot(90°—«a)=cota .

Cau 10: Chogdéc a, 90° < a <180° thoa man cosa = —% . Tinh sine.

A. sina:—g. B. Sina:%. C. Sinazg. D. sina:g.
13 169 13 13
Cau 11: Cho tam giac ABC . Dang thitc nao sau day sai?
A. A+B+C=r. B. cos(A+B)=cosC.
C.sin(A+B)=sinC. D. cos(A+B)=-cosC.
Cau 12: Biét sina:g vOoi Z<0¢<7r.Tinh tan o .
7 2
A 25 p. 25 35 D, 35
15 15 2 7

PHAN I1. (2,0 diém) Cau tric nghiém dtng sai. Thi sinh trd 10i tir cdu 13 dén cdu 14. Trong mbi § a), b), ¢),
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vao 6 chon)

Cau 13: Cho COSa=% vOoi 37”<a<27r.

Khéng dinh Dung Sai

a) ‘ sina <0.




b) V15

Ssing =——.
4

c) _sinag—cosa _ a++15

Biét — = véi a,be’Z.Gidtri a+b=15.
sina+cosa b
d , 26
) Gia tri cua biéu thiec tana +10cota bang — .
2tan o +cota 15
Cau 14: Cho géc luong giac o thdéa man diéu kién xac dinh cua cac biéu thikc cho dudi day.

Khéng dinh Dung Sai

D | ltan’a=— —.

SIN"
b)

tan(3n+oc).cot(g—aj =1.

) 1-sin(57 —a)+tan (%-FO{].COt(g?ﬂ—aj =-sina.

d 2 2
: {sin(%—xj%in(n—x)} +|:COS(3—7T—X]+COS(27T—X):| =2.

PHAN I11. (2,0 diém) Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 15 dén cdu 18.

Cau 15: Biéu thitc A =cos? 10°+ cos® 20° + cos” 30°+ ...+ cos 180 c6 gia tri bing bao nhiéu?

Két qua: ]

Trinh bay:

N

Cau 16: Cho sinx = % Gi4 tri cua bidu thitc P =2sin(—x) + 7sin(x + ) béng bao nhiéu?

Két qui ]
Trinh bay:

Cau 17: Mot duong tron b ban kinh 20(cm). Tim d6 dai cta cung trén duong tron d6 c6 s6 do 35°
(két qua lam tron dén hang phin chuc).
Két quit —
Trinh bay:



Cau 18: Mot may kéo nong nghiép véi banh xe sau c6 duong kinh la 184 cm, banh xe trudc cé duong
kinh 1a 92 c¢m, xe chuyén dong véi van toc khong ddi trén mot doan duong thang. Biét rang
van toc ctia banh xe sau trong chuyén dong nay la 80 vong/phut. Tinh quang duong di duoc
ctia may kéo trong 10 phut (theo don vi mét, két qua dén hang don vi).
Két qua: ]
Trinh bay:

PHAN IV. (3,0 diem) Cau héi tw luan. Thi sinh trd 10i tie cdu 19 dén cdu 21.

Cau 19: Cho cosx= _? voi % <x<z. Tinh gia tri biéu thiic P =2sinx + 5tanx.
Trinh bay:

Cau 20: Cho tanx =2. Tinh gia tri cac biéu thuc sau:

2sinx+5cosx _ 2sin®x+cos’x+5

a) M= b) N

. 7 - . .
3sinx +7cosx 3sin*x+2cos*x+3
Trinh bay:

Cau 21: a) Chting minh: tan® x —sin’ x = tan” x.sin” x.
b) Rat gon biéu thirc A:sin(x+857”j+cos(20177z+x)+sin2(337z+x)+sin2(x—57ﬁj.

Trinh bay:
HET
Hué, 10n20” Ngay 12 thdang 6 nim 2025
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LOI GIAI CHI TIET

PHAN 1. (3,0 diém) Cau tric nghiém voi nhiéu phuong an lwa chon. Thi sinh trd 1 ti cdu 1 dén cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Diém P trén duong tron luong giac (tham khao hinh vé&) biéu dién goc legng giac cd s6 do la
Yy

A. —%+k2ﬂ',kez. B. —%+k360°,keZ. C. %+k360°,keZ. D. %+k2ﬂ',kEZ.
Loi gidi:
Céc goc lugng giac co tia dau OA, tia cudi OP ¢d s6 do la: %+ k2zr,keZ.

Goc ¢6 s0 do 135° doi sang radian la

A.g. LB—”. C.g. D.3—ﬁ.
4 4 8 8
Loi giai:
Ta cé: 135° =135 % = 3%
180 4
Cho géc hinh hoc uOv = 40°. Xac dinh s6 do cua goc lugng giac sau:
v
u
0]
A. 400°. B. 40°. C. — 400°. D. 4000°.

Loi gigi:

Ta cé: sd (Ou, Ov) = 400°

Cho 3 tia Ou,Ov,Ow.Ménh dé nao dudi day dang?
A. sd(Ou,Ov) + sd(Ow,Ov) = sd(Ow,Ou) + k180°(k € Z) .



B. sd(Ou,Ov) + sd(Ov,Ow) = sd(Ou,Ow) + k360°(k € Z) .
C. sd(Ou,Qv) + sd(Ow, Ov) = sd(Ou,Ow) + k360°(k € Z).
D. sd(Ou,QOv) —sd(Ov,0w) = sd(Ou,Ow) + k180°(k € Z) .
Loi giai:

Véi 3tia Ou,Ov,0w. Tacd

sd(Ou,Ov) + sd(Ov,0w) = sd(Ou, Ow) + k360° (k € 7).

3.7

Cau 5: Trén duong tron lwong giac cho diém M [Z : T} . Tinh sin ctia géc lwgng giac (OA; oM ) .

u A

r =
A.E. E.ﬂ. C.i. D.ﬂ.
4 4 J7 3
Loi giai:
Ta c6: sin ctia goc lugng gide (OA;OM ) bang T
Cau 6: Trong cic dang thitc sau, dang thitc nao sai?

A sinZ=L B. cos = Y2 C. ot = 3. D.tanZ=0 .

6 2 4 2 6 2
Loi giai:

Ta co: tan% khong xac dinh .

Cau 7: Cho Z <a<x.X4c dinh dau cua biéu thitc M :COS(—§+aJ.tan(7r—a).
A. M =0. B. M >0. C. M <0. D. M <0.
Loi gigi:

Vs Vs T T

—<a<r—>0<-——+a<———cC0s| ——+a |>0

| e

Tacod:
T T
E<a<7z—>0<7z—a<5——>tan(7r—a)>0

=M :cos(—%+a}tan(7z—a)>0 .

Cau 8: Dang thtic nao sau day ding véi moi x ?
A.sin(-x)=-sinx.  B. cos(—x)=-cosx. C.cot(-x)=cotx.  D. tan(-x)=tanx.

Loi gigi:



Ta co: ) .
cot(—x)=—cot x

tan (—x)=—tan x

Cau 9: Ddng thitc nao sau day dung véi moi x ?

A. sin(90°—a)=cosa . B. cos(90°—a)=—sina.
C. tan(90°-¢)=tana. D. cot(90°—«a)=cota .
Loi gidi:

Ta c6: sin(90°—a)=cosa .

Cau 10: Cho goc o, 90° < o <180° thoa man cosa = —% . Tinh sine.

A. sina:—g. B. sina:%. C. sinazﬁ. Qsinazg.
13 169 13 13
Loi giai:
2
Ta cé: sina=1-cos’ o =1— S =%.
13 169

:Sina:% do 90° < <180°.

Cau 11: Cho tam gidc ABC . Déang thitc nao sau day sai?

A. A+B+C=r. B. cos(A+B)=cosC.
C.sin(A+B)=sinC. D. cos(A+B)=-cosC.
Loi gidi:

Tacé A+B+C =7
Suyra A+B=7—C nén cos(A+B)=cos(z—C)=-cosC.
Vay phuong an B sai.

Cau 12: Biét Sinazévc'yi %<a<7r.Tinh tan o .

A 25 g 25 35 .
15 15 2 7
Loi gidi:

T A
Do E<a<7r nén cosa <0,tana <0.

Suy ra: COSa = —1-sin*a =— fl—% :—g.
sina _2_(_%}__&

cosa 7| 7 15
PHAN II. (2,0 diéim) Cau tric nghiém dung sai. Thi sinh trd 10i tie cdu 13 dén cdu 14. Trong méi y a), b), ),
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vio 6 chon)

Ta cé: tana =

Cau 13: Cho COSa=% voi 37”<a<27r.

Khang dinh Dung Sai

a) \ sina <0.




b
) sina = —\/1—5 .
4
<) sing—cosa  a++/15
Biét — = \/_V(')i a,beZ.Giatri a+b=15.
Sina +Cosa b
d ., 26
) Gia tri cua biéu thiec tana +10cota bang — .
2tana +cota 15
Loi gidi:
‘ a) bung ‘ b) Sai | c) bung ‘ d) Sai

a) bung.

L 3r .
Vi 7<a<27r nén sina <0.

b) Sai.
’ -2 2 -2 2 l 15
Taco: sin“a+cos“ag=1=sin“a=1-cos“a=1-—=—
16 16
. \15
=Sihg=——.
4
c) bung.

JI5 1

sina—cosa 4 4 8++15

Ta c6 — = =

40 Sina+cosa J1_5+1 7
4 4

Vay a+b=15.

d) Sai.

Ta oo BNa+10cota _ (tana +10cotar).sina.cosa  sin® a +10cos’
" 2tana +cota (2tana +cota).sina.cosa  2sin’ a +cos” &

1 2
_1+9.cos’a 1+9'(4j 25

1+sin’a 1+[ @jfﬁ'

Cau 14: Cho géc lugng giac o thoa man diéu kién xac dinh cta cac bi€u thirc cho dudi day.

Khang dinh Dung Sai

l+tan’a =

sina

tan(&wa).cot(%—aj =1.

1-sin(57 —a)+tan (%-FO{].COt(g?ﬂ—aj =-sina.

d 2 2
: {sin(%—xj%in(n—x)} +{cos(37ﬁ—x]+cos(27z—x)} =2.

Loi gidgi:
| a)Sai | b) Sai | obang | d)bung |
a) Sai.




Ta cé: 1+tan’ a =

cos’a’

b) Sai.

Ta cé: tan(3m+ oc).cot[g - oc) = tan a.tan o = tan® a.

c) bung.

Ta c6: 1-sin (57 —a)+tan (%Jraj.cot(%z—a] =1—sina+cot(—a).cot(%—aj

=l-sinag—-cota.tanag =1-sina—-1=-sin«.
d) bung.

Ta co: {sin(%—a}sin(n—a)} {cos(%—a}cos(h—a)}

2
. 2 T . . 2
=[cosa +sin«] +{—cos(z—aj+cos(x} =1+2sina.cosa +[-sina +cosa]

‘ =1+2sina.cosa +1-2sina.cosa = 2.
PHAN IILI. (2,0 diém) Cau trac nghiém tra 16i ngan. Thi sinh trd I0i tir cdu 15 dén cdu 18.
Cau 15: Biéu thitc A =cos” 10°+ cos® 20° + cos” 30°+ ...+ cos 180 c6 gia tri bing bao nhiéu?
Két qui —
Trinh bay:

Loi giai:
Ta cod
A =co0s?10°+cos> 20° + cos> 30° + ... + cos> 180°
= 2(0052 10° + cos? 20° +cos? 30° +... + cos’ 80°) +c0s290°+cos”180°

= 2[(0052 10° +sin? 100) +...+ (0052 40° +sin> 400)} +cos2180°=0.

Cau 16: Cho sinx = % Gi4 tri cua bidu thite P =2sin(—x)+ 7sin(x + ) béng bao nhiéu?
Kt quis —

Trinh bay:

Ta cd: P=-2sin x—7sinx:—93inx:—9%:—3.

Cau 17: Mot duong tron cé ban kinh 20(cm). Tim d6 dai cta cung trén duong tron d6 c6 s8 do 35°

(két qua lam tron dén hang phian chuc).



Cau 18:

Kt quis ]
Trinh bay:

Loi giai:
35 =35 7 -7
180 36
Do dai ctia cung tron cé s6 do 35 trén duong tron c6 ban kinh R =20cm la:
| = 20-7—7T=35—7[( cm)~12,2( cm).
36 9

Mot may kéo ndng nghiép vdi banh xe sau ¢ dwong kinh la 184 cm, banh xe treede c6 duong
kinh 1a 92 cm, xe chuyén ddng véi van tdc khong d6i trén mot doan duong thang. Biét rang
van toc ctia banh xe sau trong chuyén dong nay la 80 vong/phut. Tinh quang duong di duoc
ctia may kéo trong 10 phut (theo don vi mét, két qua dén hang don vi).

Két qua: ]

Trinh bay:

Loi giai:

Po6i 184 cm = 1,84 m.

Quang dudng may kéo di chuyén dwoc khi banh xe sau quay 1 vong bang chu vi ctia banh xe
sau cia may kéola C =zd =7.1,84 =1,84x (m).

SO vong banh xe sau chuyén dong trong 10 phut la 80.10=800 (vong).

Quang duong may kéo di duoc trong 10 phat la: s =1,847.800 = 4624 (m).

PHAN IV. (3,0 diém) Cau héi tw luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.

Cau 19:

-2 . , o TR , .
Cho cosx =—= voi %<x<7z. Tinh gia tri biéu thiec P =2sinx + 5tanux.

Trinh bay:

Loi gidi:
5
smx=?
Tacéd: sinx=1-cos’x== <
9 . —J5
sinx =——
3

/4 N . 5
Do E<x<7r nén sinx >0—— Chon smx:?.



sinx 5

CcosX 2
1145

Ta co: tanx =

Vay P=2sinx+5tanx =

6
Cau 20: Cho tanx =2. Tinh gia tri cac bi€u thtc sau:
2sinx+5cosx 2sin’ x + cos’ x +5

a) M= b) N=

3sinx+7cosx’
Trinh bay:

3sin® x +2cos” x + 3

Loi giai:
a) Do tanx =2 nén cosx = 0.
2tanx+5 9

Chia ca ttr va mau ctia biéu thitc M cho cosx, ta dwoc: M = =
3tanx+7 13

b) Do tanx =2 nén cosx # 0.
Chia ca tr va mau cua biéu thitc M cho cos® x, ta duoc:

2tan2x+1+5(1+tan2x) Ztanlx+6 34

N = = > =__
3tan2x+2+3(1+tan2x) 6tan’x+5 29

Ciu 21: a) Chting minh: tan® x —sin® x = tan” x.sin” x.

b) Rut gon biéu thirc A=Sin(X+857ﬂj+COS(20177Z'+X)+Sin2 (337z+x)+sin2(x—57ﬂj.

Trinh bay:

Loi giai:
sin® x

a) Ta c6: VT =tan® x —sin’ x = ————sin” x = sin’ x ——1|=tan’ x.sin’ x=VP (d.p.c.m)
cos” x cos” x

b) Ta cé: A:sin(x+857”]+cos(20177z+x)+sin2(337r+x)+sin2(x—5?ﬁj.
=sin(x+427z+%)+cos(20167z+7r+x)+sin2(327z+7z+x)+sin2(x—2ﬂ—%j.
. T _— _— Vd
=sm(x+§j+cos(7z+x)+sm (7 +x)+sin (X—Ej.
= cos X —cos X+ (—sin x)* +(—cos x)* =1.

HET
Hué, 10h20’ Ngdy 12 thdang 6 nam 2025
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Trong qud trinh suu tdm va bién soan, néu tai liéu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y cia

uy thiy co cung cdc em hoc sinh! Xin chdn thanh cam on!
PHAN 1. “ Céu trac nghiém v6i nhiéu phwong an lwa chon. Thi sinh trd 1oi tie cdu 1 dén ciu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.
Caul: Diém N trén duong tron leong gidc (tham khao hinh vé&) bidu dién géc lugng gidc 6 s6 do 1a

y
1
1 A
=45" T
N
~1
A. —45°+k360°,k eZ. B. -45°+k2r,keZ.
C. 315°+k360°,k e Z . D. —315°+k360°,k e Z .
Cau2: Goccosddo —2?7[ dodi sang do la
A. 72°. B. -72°. C. 144°, D.-144°,

Cau3: Cho gbc hinh hoc uOv =50°. Xac dinh s6 do cuia géc luong giac sau :

/v

I/_

\O"7
A. 50°. B. — 310°. C. —400°. D. - 50°.

Cau4: Cho3tia Ox,0Ou,Ov.Ménh dé nao dudi day dung?

A. sd(Ou,O0v) = sd(0x,0v) —sd(Ox,0u) + k180°(k € Z) .
B. sd(Ou,Ov) = sd(0x,0v) —sd(Ox,0u) + k360°(k € Z) .
C. sd(Ou,Ov) =sd(0Ou,Ox) —sd(Ox,0v) + k360°(k € Z) .
D. sd(Ou,Qv) = sd(0x,0v) +sd(0Ox,0u) + k360°(k € Z) .

Cau5: Trén duong tron lwong giac cho goc lwong gidc (OA;OM ) = o va diém M ( = ~22 J



Ménh dé nao sau day sai?

A

Asing=-2Y2 B cosa=-<. C.tna=-2y2. D.cota=——.
3 3 242
Cau6: Cho goc luong gide o = % +k27 (k € Z) . Ménh dé nao sau day sai?

Ve

A. tana:«/g. B. cota:—\/g. C. sina:7. D. cosa:%.

3 .
Cau7: Chogoc a thoaman 7 <a < 77[ Khang dinh nao sau day dung?

A.sina >0, cosa >0. B.sina <0, cosa<0.

C.sina <0, cosa >0. D. sina >0, cosa <0.
Ciu8: Biéu thtec M =2+sinXx.sin(—x)— tan(-x).cotx ) cé biéu thire rut gon la

A. M =2sinx. B. M =-2sinx. C. M =cos®x. D. M =—cos® X.
Cau9: Dang thiic ndo sau day sai?

A. sin(90° —a)=cosa. B. c0s(90° —a)=cosa.

C. tan(90° — ) =cota . D. cot(90° —a)=tana .

Cau10: Chogoc a, 90° < <180° thoa man sin«a :g . Tinh cosc.

A. COSC¥=@. B. COSO(ZE. C. COSO!=4—O. D. COSO(=—@.
7 7 49 7
Cau11: Cho tam giac ABC . Dadng thitc nao sau day dung?
A. tan(A+Bj=tanE. B. cot(A+Bj:cotE-
2 2 2 2
C. cos(A+Bj:cosg. D. sin(AJrBj:cosE.
2 2 2 2

/, 4 \ 7
Cau 12: Biét COSa:—g va %<a<7r.Tmh cota.

AL B. 3. c. -2 D. -3,
. 3 ) 4 3 4 )
PHAN I (2,0 diém) Cau trac nghiém dung sai. Thi sinh trd 10i tir cdu 13 dén cdu 14. Trong mdi yj a), b), c),
d) & moi cdu, thi sinh chon ding hodc sai (dién ddu X vio 6 chon)

. 7
Cau13: Cho Slna:—T voi 7r<a<377r.

Khéng dinh Dung Sai

a)

cos® o = 3.
16




Cau 14:

b) N3

fana =

c i 2 20-1., 25
) Gi4 tri ctia biéu thie £ ¢ Al I;an a1 bang —.
sin“ o 9

d) avb
Biét tana+COta:2—\/1_ véi a,beZ. Giatri a+b=23.

Cho géc luong giac o thdéa man diéu kién xac dinh cua cac biéu thikc cho dudi day.

Khéng dinh Dung Sai
a) 2 1
l1+cot(zr—a)= .
( ) sin «
b
) sin(n—a).tan (g—aj =CoSa.
C)

—cos(5;z+a)+cot(7;r+a).cos(37ﬂ—aj =1.

d 2 2
: {cos(%—a}wos(n—a)} {sin(%—a}win(—a)} =0.

PHAN I11. (2,0 diém) Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 15 dén cdu 18.

Cau 15:

Cau 16:

Cau 17:

Biéu thitc B = tan1°- tan2’ - tan 3 - ... tan 89 c6 gid tri bang bao nhiéu?

Cho cotx =-3 va 3?7[ < X< 2. Gid tri ctia biéu thirc T =5¢08( 27 — X) — 4sin( 20257 + X) bang

bao nhiéu? (két qua lam tron dén hang phin tram)
Két qui —
Trinh bay:

Mot diém chay trén duong tron c6 ban kinh 10(cm). Chét diém chay dwoc %1 vong tron.

Tinh d¢ dai ctia cung tron ma chat diém di dwoc (két qud lam tron dén hang don vi).

Két qua: ]



Cau18: Vong quay Sun Wheel 6 Da Nang 1a mot cong trinh 16n thtt nhat ¢ nwdc ta. Diém cao nhat
trén vong quay cach mat dat 115m, diém thap nhat cach mat dat 5m. Toc d¢ quay la 15 phat
/1 vong va quay theo chiéu ngugc chiéu kim dong ho. Mot nguwoi dang o vi tri diem M, biét
géc lugng giac tao boi tia dau OA va tia cudi OM bang 30°.

Hoi sau 5 phut thi nguoi d6 ¢ d6 cao cach mat dat bao nhiéu mét? Két qua lam tron dén mot chir
s0'thdp phan.

Két qua: ]

Trinh bay:

PHAN IV. (3,0 diem) Cau héi tw luan. Thi sinh trd 10i tie cdu 19 dén cdu 21.
Cau19: Cho tanx =% (—72’ <X< —%) Tinh gia tri cua cac gia tri lwong giac con lai.

Trinh bay:

n : L e cota—tana | ,
Cau 20: Cho sina = —. Gi4 tri cua bieu thtc A = ————————— bang
3 tana+ 2 cota
Trinh bay:

Cau 21: a) Rut gon biéu thic D = sin[%{ - aj + COS( 137 + a) - 3sin(a - 57[) .

b) Chting minh: (1— L ](1+ L j+tan2x:0.
COS X

cosx
Trinh bay:
HET
Hué, 10h20’ Ngdy 12 thdng 6 ndm 2025
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“ TIRAC NGHIEM CHUYEN BE
Méon: To:a:n 11 - KNTT

GIA TRI LUQONG GIAC CUA GOC LUONG GIAC
Dinh hwé'ng cdu tric 2025+

[ DE ON TAP SO 04_TrNg 2025

LOI GIAI CHI TIET

PHAN 1. (3,0 diém) Cau tric nghiém voi nhiéu phuong an lwa chon. Thi sinh trd 1 ti cdu 1 dén cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.
Caul: Diém N trén duong tron lwong giac (tham khao hinh vé&) biéu dién géc leong giac cd s6 do 1a

Y
1
1 A
—45" —;r
N

1
A. —45°+k360°,k € Z . B. -45°+k27,keZ.
C. 315°+k360°,k e Z . D. -315°+k360°,k e Z .

Loi gidi:
Céc goc luong giac c6 tia dau OA, tia cudi ON ¢ s6 do la: —45°+k360°,k e Z .

7 7 ~ 2 Ao A \
Cau2: Goccosodo —?ﬂ doi sang do la

A. 72°. B. —72°. C. 144°. D.-144°.
Loi giai:
Ta co: —2—72-:—2—7[ 180 _ =—72°.

5 S5

Cau3: Cho gbc hinh hoc uOv =50°. Xac dinh s6 do cuia goc luong giac sau :

/ |

I/_

D7
A. 50°. B. — 310°. C. —400°. D. - 50°.
Loi gigi:
Ta c6 sd (Ou,Ov) = -310°.

Cau4: Cho3tia Ox,0u,Ov.Ménh dé nao dwéi day dung?

A. sd(Ou,Ov) = sd(0Ox,0v) —sd(0x,0u) +k180°(k € Z) .
B. sd(Ou,Ov) = sd(0x,0v) —sd(Ox,0u) + k360°(k € Z) .



C. sd(Ou,Ov) =sd(0Ou,Ox) —sd(Ox,0v) + k360°(k € Z) .

D. sd(Ou,Qv) = sd(Ox,0v) +sd(Ox,0u) + k360°(k € 7)) .

Loi giai:

Véi 3 tia Ox,0u,0v. Ta c6 sd(Ou,Ov) = sd(0x,0v) —sd(Ox,0u) + k360°(k € Z) .

Caub5: Trén dwong tron luong giac cho goc lugng giac (OA; OoM ) =a vadiém M [%1 : -_23:/5 J .

!

%

|
1
|

!
—~
L]

Ménh dé nao sau day sai?

A. sina:—&. B. coscr=— ~. C. tana =-22. D. cota = —~— .

3 3 242
Loi gidi:
Vi M _—1;_2\5 nén c030:=—l va sina:—&.

3 3 3 3
Do dé tana = 242 va coter = —— |
242
Cau6: Cho gdc luong giac 0[:%+k2ﬂ' (k € Z) . Ménh dé nao sau day sai?

A. tana =+/3. Lcota:—\/g. C. sinazg. D. cosa:%.

Loi gidi:

B3

Ta c6: sin| Z+k2x :sinzz—; cos| £ +k2r =cosz=1.
3 3 2 3 3 2

tan Z+k27z =tan£=\@; cot z+k27r :cotzzi.
3 3 3 3

V3

3 .
Cau7: Chogoc a thdbaman 7 <a < 777 Khang dinh nao sau day dung?

A. sina >0, cosa >0. B.sina <0, cosa <0.
C.sina <0, cosa >0. D. sina >0, cosa <0.
Loi gigi:

Ta cé: o thudc goc phan tw thie 111
Duwa vao bang dinh d&u cta céc gia tri lwong gidc ta ¢ sina <0, cosa <0.
Cau8: Biéuthtec M =2+sinx.sin(—x)— tan(-x).cotx ) c6 biéu thikc rut gon la
A. M =2sinx. B. M =-2sinx. C. M =cos’X. D. M =—cos® X.



Loi giai:
Ta cé: M = 2 +sin x.sin(—x) — tan(—x).cot(—x) = 2 —sin® x — tan x.cot x =1-sin® x = cos” X..
Cau9: Dang thiic nao sau day sai?

A. sin(90° —a) ~Cosa. B. cos(90° —a) =CoSa.
C. tan(90° —a) =cota . D. cot(90° —a)=tana .
Loi gidi:

Ta cé: COS(90° —a) =sina.

Cau10: Chogoc a, 90° < o <180° thoa man sin«a zg . Tinh cosa.

A. cosaz@. B. COSazﬂ. C. COSa:4—O. D. cosaz—@.
7 7 49 7
Loi giai:
2
Tacod: cos®’aa=1-sina=1— § =4—O.
7 49
30080{2—@ do 90° <« <180°.

Cau11: Cho tam gidc ABC . Déng thitc nao sau day ding?

A. tan A+B :tang. B. cot A+B :cotg.
2 2 2
C. cos A+B =cosg. D. sin it =cosg.
2 2 2 2
Loi gidi:
Tacdé A+B+C=r
A+B =z C . (A+B C
Suy ra =——— >sin =C0S—.
2 2 2 2 2
Cau12: Biét cosa:—ﬂ va §<a<ﬂ.Tinh cot c.
AL B. 3 c_ 2 p. -3,
3 4 3 4
Loi giai:

Do §<a<7r nén sina >0, tana <0.
Nén sina =+/1-cos’ :,/1—;—2 :g.

Ta duoc: Cotazc?ﬂ: —ﬁ :§:—ﬁ.
Sina 5)5 3

PHAN II. (2,0 diéim) Cau tric nghiém dung sai. Thi sinh trd 10i tie cdu 13 dén cdu 14. Trong méi y a), b), ),
d) & moi cdu, thi sinh chon ding hodc sai (dién ddu X vio 6 chon)

. 7
Cau13: Cho Slna:—T voi 7r<a<377r.

Khang dinh Dung Sai

a)

cosza:g.
6




Cau 14:

b) N3

tana =
C 2 20-1., 25
) | Gig tri ctia biéu thipe 9% @ 10" @ ! bing 2.
sin“ 9
d) avb
Biét tana+cota:2—{ véi a,beZ. Giatri a+b=23.
Loi giai:
‘ a) bung ‘ b) Sai | c) Sai ‘ d) bang ‘
a) bung.
7 A2 2 2 A2 7 9
Ta co: sin“a+cos“a=1=cos"a=1-sin“a=1-—=—.
16 16
b) Sai.
Ta co: 7r<a<377z nén tana >0.
1 1 7
Suyra: tana =,[——-1= [—-1=—.
Y \/cos2 a 9 3
16
¢) Sai.
cos’a+tan*a—1 —sin’a+tan’«a
Ta co: — = —
sin“ o sin“
1 ) ’ 7
=-1l+——=-1+1+tan"a=tan"a=—.
Cos” a 9
d) bung.
Ta co cota = g
Suy ra: tana+cota=g+¥:%.Do do a+b=23.
Cho goc luong gidc o thda man diéu kién xac dinh cta cac biéu thic cho duwdi day.
Khang dinh Dung Sai
a) 2 1
l+cot’(r—a)= .
( ) sin’ a

sin(n—a).tan(g—ocj =CoSa.

—cos(5;z+a)+cot(7;z+a).cos(37ﬂ—aj =1.

d 2 2
: {cos(%—a}%os(n—a)} +{Siﬂ(%—a}+sin(—a)} =0.

Loi gigi:
‘ a) bang ‘ b) Pung | c) bing ‘ d) bang ‘
a) bung.

Ta c6: 1+cot’ (r—a)=1+cot’ @ = ——.
SIN" &

b) bung.




, - T . . Cosa
Ta co: Sln(n—oc).tan E—oc =sSino.coto =SIno..—— =CoS Q. .
SIno

c) Dung.

Ta cé: —cos(57z+a)+cot(77z+a).cos(3§—aj

T .
=—cos(7z+a)—cota.cos(z—aj=c05a—cota.sma=O.

d) bung.

2 2
Ta co: {cos(%—a}cos(n—a)} {sin(%ﬂ—ajﬂin(—a)}
2
. 2 . T .
=[sina—cos«] {—sm(g—aj—sm a}
=1-2sina.cosa +[-cosa —sin a]2 =1-2sina.cosa +1+2sina.cosa = 2.
PHAN II1. (2,0 dié) Cau tric nghiém tra 10i ngén. Thi sinh trd 10i tir céu 15 déh chu 18.
Cau15: Biuthtic B=tan1’ tan? - tan 3 - ... tan 8% co gid tri bang bao nhiéu?
Kt qui —
Trinh bay:
Loi gidi:
Ta co
B =tanl®- tan2°-tan3°-....- tan 89°

= (tan1°- tan 89°)(tan2°- tan 88°)...(tan 44°. tan 46°). tan 45°
= (tan1®- cot1°)(tan °- cot2°)...(tan44° - cot 44°) tan 45° =1

Cau16: Cho cotx=-3 va 3?7[ < X< 2. Gid tri ctia biéu thirc T =5c08( 27 — X) — 4sin( 20257 + X) bang

bao nhiéu? (két qua lam tron dén hang phin tram)

Két quis ]
Trinh bay:

Loi gigi:

T =5c0s(27 — X) —4sin (20257 + X) =5c0s(—x) —4sin(z + x) =5c0s X + 4sin ..

SinX=—

1
— c>1+(—3)2— ! @sinzx:ic \/1_(1)
SINX=———
J10

Co 1+cot’x = =—=
sin? x sin? x




Cau 17:

Cau 18:

iy e OTT a ..
Gia thiét 7<X<27r nén sinx <0. Vay sinXx =—

=1 -
o B

COS X . 1
COtX = —— =>COSX = COt X.Sin X = (—3)[——j =

sin x Jio) oo

T =5c0sX +4sin x :5.i+4.(—ij:£:3,48.

J10 Ji0) <o
Mot diém chay trén duong tron c¢6 ban kinh 10(cm). Chét diém chay duoc 1—51 vong tron.

Tinh d6 dai ctia cung tron ma chat diém di dwoc (két qud lam tron dén hang don vi).
Két qua: ]
Trinh bay:

Loi giai:
, 1 22
SO do cung tron — .27 = iy
5 5
Do dai ctia cung tron ¢é sd do ZZTE trén duwong tron co ban kinh R=10cm 1a

I :10-22?”:4474 cm)~138( cm).

Vong quay Sun Wheel & Da Néng 1a mot cong trinh 16n tht nhat 6 nwdc ta. Diém cao nhat
trén vong quay cach mat dat 115m, diém thap nhat cach mat dat 5m. Toc d§ quay la 15 phat
/1 vong va quay theo chiéu nguoc chiéu kim dong ho. Mot nguoi dang ¢ vi tri diém M, biét
gbc luong gidc tao boi tia dau OA va tia cusi OM bang 30°,

AL,
o e : 4,¢

~.§

—

Hoi sau 5 phut thi nguoi d6 ¢ d¢ cao cach mat dat bao nhiéu mét? Két qud lam tron dén mot chir
s0'thap phan.

Két qua: ]

Trinh bay:



Theo dé bai, ta cé Ol =60m;OB =55m.

Sau 5 phut nguoi d6 & vi tri diém B, nguoi d6 cach mat dat khoang bang doan IH .

Xét tam giac vuéng OHB, sin30° = g—: = OH =0Bsin30° = 55.% =27,5m.

Vay nguoi nay cach mat dat mot khoang bang HI = HO + 0l = 27,5+ 60 =87,5.
PHAN 1V. (3,0 diém) Cau hoi tw luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.

Cau19: Cho tanx =% (—72’ <X< —%) Tinh gia tri cua cac gia tri lwong gidc con lai.

Loi gidi:

\ VA
Vi —7z<x<—zz>cosx<0

tanx.cotx:lzcotx:izizﬂ
tanx 3 3
4
2
Ta cé > =1+tan2x:1+(§j :§:>coszx=E
COS” X 4 16 25

4
Vay CoSX = -

. sin x . 3 4 3
Vay tanx=——=sinx=tanx.cosx=—. —— |=——
COS X 4 5 5

N . | , cota—tana |
Cau 20: Cho sina =—. Gia tri cua biéu thitc A = —————— bang
3 tana + 2 cota



Loi giai:
cosa sina

cos’ a—sin’ a

cota—tana _ sina cosa _
tana+2cota sina+zcosa sina+2cos’a

cosda sina

Taco A=

- sin2a+2(1—sin2 a) 2—sin’a 17

a) Rut gon biéu thic D = sin(%[ - aj + cos(137r + a) - 3sin(a— 57;) .

b) Chttng minh: (1— ! j(n ! ]+tan2x=o.
COSXx COSXx

(l—sin2 a)—sinza ~ 1-2sin%a 7

Cau 21:

Trinh bay:

Loi giai:
a)Tacdé D= sin(5—ﬂ - aj + Cos(137r + a) - 3sin(a —57[)

=sin(g—a}+cos(7r+a)+3sin(7r—a) =cosa —cosa+3sina =3sina .
HET

Hué; 10h20” Ngdy 12 thdng 6 nam 2025




