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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Chu dé 3:
GIA TRI LON NHAT VA GIA TRI NHO NHAT CUA HAM SO
I LY THUYET
1. Pinh nghia
Cho ham s6 y = f (x) xac dinh trén tap hop D.
e S8 M dwoc goi la gid tri Ion nhdt ciia ham sé y = f (x) trén D néu f (x) <M vdi moi x
thudc D va ton tai xo thudc D sao cho f (xo) = M. Ki hiéu M = mglx f(x).

e S8 m duogc goi la gid tri nho nhdt cia ham sé’y = f (x) trén D néu f (x) > m vdoi moi x
thudc D va ton tai xo thudc D sao cho f (xo) = m. Ki hiéu m = mDin f ().
Chii y:
» Ta quy wdc khi chi néi GTLN hay GTNN cua ham s6 y = f (x) (ma khong cho ro tap
hop D) thi ta hiéu d6 1a GTLN hay GTNN ctia ham s8 y = f (x) trén tap xac dinh ctia no.
> GTLN va GTNN ctia ham s6 thuong duoc tim bang cach st dung dao ham va bang
bién thién.
2. Cac budc tim gia tri 16n nhat, gia tri nho nhat ctia ham s6 trén mot doan [a; bl.
o Budc 1: Tim cac diém X;X,;..;X, thudc khoang (a;b) ma tai d6 f'(X) bang 0 hoic
khong ton tai.
o Buwdc2: Tinh f(a); f(x); f(x,);...; F(x.); f(b).
o Budc 3: Goi M la s 16n nhat va m la s6 nho nhét trong cac gia tri tim dwoc ¢ Budce 2.
Khi d6: M = r{;ag( f(x), m= r[r;;ibrf f(x)

II. BAI TAP MINH HOA
Caul: Chohamso y=f (X) lién tuc trén R thoa man gid tri 16n nhat ctia ham s6 trén R la 2025.

Khang dinh nao sau day dung?

A. f(x)<2025VxeR. B. f(x)<2025VvxeR,3x,: f(x,)=2025.
C. f(x)>2025vxeR. D. f(x)>2025VxeR,3x,: f(x,)=2025.
Loi giai:

Hamso y=f (X) lién tuc trén R thda man gia tri 16n nhat ca ham s6 trén R 1a 2025. Khi d6
f (x) <2025, vxeR,3x,: f(X,)=2025.
Cau2: Chohamsd y=f(x) c6 bang bién thién trén doan [-1;3] nhuw sau:

X -1 0 1 3

f(x) - 0 - 0 ~

Flx) /
0 1

Gia tri 16n nhat ctia ham s0 da cho trén doan [—1; 3] bgmg
A.1l. B. 4. C.0.

Loi giai:

Gia tri 16n nhat ctia ham s8 da cho trén doan [-1;3] béng 5.

S
o1
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Luyén thi THPT 2025

Chuyén dé KHAO SAT HAM SO
Chohamso y=f (X) xac dinh va lién tuc trén R ¢ d6 thi nhw hinh vé bén dwdi:

Cau 3:
YA |
92 10 1 9 z
T S
]
& 7 S age
:“,' \ .‘_3 é "'
\ |
{ \.1 /
= ——=n S
| -5
Goi m va M TIan luot 1a giad tri nhé nhat va gia tri 16n nhat cia ham s6 da cho trén doan
[-2;1]. Ménh dé nao dudi day 1a ding?
A.m=-5;M =0. B.m=-2;M =1. Cm=-5M=-1. D.m=-2;M=-1.
Loi giai:
Taco m=-5;M =-1.
Cau4: Chohamsd y= f(x) xdc dinh, lién tuc trén R va c6 bang bién thién nhu sau:
x x 0 1 +o¢
!/' + () — () 4
1 +x
7} / \ l /
- 3
Ménh dé nao dudi day sai?
A. max f (x)=1. B. min f(x)=-1.
(—o0:1) ( ) (0;+0) ( )
C. [naﬁ f(x)=f(-1). D. [rznln) f(x)=f(2).
Loi gidi:
Nhin vao bang bién thién suy ra {naﬁ f (x)= f (~1) 1a khang dinh sai
Caub5: Hamso y=f (X) lién tuc trén R va c6 bang bién thién nhu sau:
X —3 —4 0 8 +or
¥ — 0 + 0 = 0 ~+

4o 9 +oC
£(-4) 7(8)

Biét f(—4)> f(8), khi d6 gia tri nho nhat ctia ham s8 da cho trén R bang
B. f(-4). C. f(8). D. 4.

A.9.

Loi gidi:
Dua vao bang bién thién va gia thiét f(-4)> f(8).

Gi4 tri nhé nhat ciaham s Y = f (X) trén R la: mRin f ( )= f (8)

0935.785.115
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau6: Chohamso y= f(x) cdbang bién thién sau:
X 0 4 8
J'(x) + 0 —

f(x) . / \ .

Ham s8 dat gia tri Ion nhat1a f(X,) tai X,. Khi 6, tich X,.f(X,) bang
A. 64 B. 4. C. 0. D. 20.
Loi giai:

Dua vao bang bién thién, ta ¢6 ham sd dat gia tri 1on nhat1a f (XO) =16 tai X, =4.
Nén X,.f(x,)=16.4=64.
Cau7: Gia tri nho nhat cia ham s8 y = x* 4+ 3x* —1 trén doan [—1;1] béng
A. 3. B. -1. C. 1l D. 2.
Loi giai:
x=0

Taco: y'=3x"+6x; ¥ =0 3x> +6x=0< ,
x=-2 (10@11)

y(-1)=1y(0)=-1y(1)=3.
Vay E{lli_%yz—l tai x=0.

Cau8: Hamsd y=x"—4x* ¢ gia tri 16n nhat va gia tri nho nhat trén doan [—1; 1] lan lwotla M va
m . Khi d5, M +m bang

A. 6. B. 4. C. 3. D. 0.
Loi giai:
x=0e[-11]
Taco y' =4x-8x y' =0 4x° -8x=0s| x=+2¢[-11] .
x=—2 g[-11]
gy =C

Khi do y(—l):y(l):—B va y(O)=O nén m=r[1_11i_[]1y=—3 nén M +m=-3.

Cau9: Trén doan [-2;2], ham sd y = x° +4x* +1 dat gia tri nho nhat tai diém nao dudi day?

A. x=0. B. x=-2. C.x=2. D. x=1.
Loi gidi:
Tacd: y=x>+4x>+1; y =3x*+8x.
x=0e[-2;2]
V=0 .
x:-%e[—z;z]

y(-2)=9; y(2)=25; y(0)=1.
Vay ham s8 y = x° +4x* +1 dat gia tri nho nhat tai diém x=0.
Cau10: Gia tri nho nhat ctia ham s§ y = 2x* —30x trén doan [1;20] bang
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

A. —41;407. B. —44. C. —20+5. D. -25\5.
Loi giai:
Ham sd y = 2x% —30x lién tuc trén doan [l; 20].

x=5

Tacéd: y'=6x*—30; y' =0 6x*~30=0< .
x=—5 (L)

y(1)=-28; y(20)=15400; y(«/5)=-205.
Vay szig}y=y(J§)=—20J§.

n : C o s e e A et 1 e o Ta 2x+1
Caull: Goi M va m lan luot la gia tri 1on nhat va gia tri nho nhat cia ham s6 y = trén doan

[2;4]. Khi d6, M —m bang

A. 3. B. 2. C. 4. D. 2.
Loi giai:
y' = > <0 =Ham s8 lu6n nghich bién trén cac khoang (—;1) va (1;+o0)

(x=1)
Suy ra: mzr[r;;hﬁly:y(4):3 va M =rE%<y=y(2)=5.
Vay M-m=5-3=2.

trén doan [-2; 1] bang

Cau 12: Gia tri nho nhat cia ham s6 f (x) = x+ 4 3
X+

A. 7. B. -1 C. g. D. 1.
Loi gidi:
Tacé: f/(x)=1-—2_.

(x+3)

f'(X)=0=1- 4 >=0=>x=-1vixe[-2,]]
(x+3)

f(-2)=2,f(-)=1fQ) =2
Vay eriznl] f(x)=f(-1) =1

Cau 13: Gia tri nho nhat cia ham s§ f(x) = x* + 2 trén khoang {% ; 3} bang
X

A. 2. B. 4. C. 3. D. 1.
Loi gidi:
3_
Ta co f’(x):2x—£2;f’(x)=0<:>2x—£2=0<:>2X > 2=O<:>x=1.
X X X
1) 17 29
Taco f|=|=—; f(1)=3; fR)=—.
acod (2) 1 () (3) 3

Vay min f ()= f (1) =3.
2.3

o
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025
Cau 14: Gia tri 16n nhét ctia ham s8 y =+/4—x* bang

A.2. B. 0. C.4. D.1.

Loi giai:

Tép xéc dinh: D=[-2;2].

D. 8-52.

Tacé: y'=——— =y =0<x=0e(-22)
4-x°

-2)=vy(2)=0

Ta co: y( ) y() =maxy=2
y(0)=2 [-2:2]
Cau15: Goi M va m Ian luot 1a gia tri 1on nhat va nhd nhat cua ham s6 Yy =+v/5—-X ++x+3. Hiéu
M —m bang
A 4-22. B. 2. C.7-442.
Loi giai:
Tap xac dinh: D:[—3; 5].
Taco: y'= (x/5 X+x+3 ) + 1 _¥5-x- x+3.
2J5 x 24x+3  245-xa/x+3

Khidé: Y =0 V5-x=Vx+3 <= x=1.

Ta c6 bang bién thién cua ham s6 y nhu sau:

X -3 1

ol o+ o -
a

£(x) 2 2/ \3@

Tl bang bién thién ta co: gia tri 16n nhat cia ham sdla M =4, gia tri nhé nhat cua ham s6 1a

m=2v2.Dod6,M-m=4-22.
Cau16: Tim gia tri I6n nhat cia ham s8 y =1++/4x—x* .

A. 1l B. 3. C. 5.
Loi gidi:

Tap xac dinh D :[0;4].

Tacs: y'= 2%, y=0e x=2¢(0;4).

4—
Ta co: y( ) 1,y(4 ( )

Vay,quy y(2)=3.

><

. e e o 2sinx=1 s
Cau17: Gia tri 16n nhat cia ham s6 Y =————— trén | 0;— | bang
Sinx+2 6
1 1 2(V3-1)
A. —. B. —. C. —.
2 3 J3+4
Loi giai:

D. 0.

L6op Toan thiy Lé B4 Bao TP Hué
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Pat t =sinx.

Taco: xe| 0.7 |>te| ol [ knids £ (t)=22 telol|
6 2 t+2

Ta co: f’(t)=( S )2 >0, ‘v’te{o;%}.
t+2

Ta c6: f(o):—%; f(%jzo.

1
Vay max y = maxf() f(l] Okhltzihayx—%

0F) |oa] ?

Cau18: Cho cac s6 duong &, b thay doi luén thoa man b >a>1.Tim gia tri nho nhat cta biéu thuic

P:Iogab+#.
log, b-1

a

A. 2/2. B. %. C. 3. D. 3v/2.

Loi giai:
bat log,b=t.Do 1<a<b:>|ogab>1:>t>1

Ap dung BDT Cauchy cho 2 s6 dwong t—1; —1

Ta co: P—t+i1—(t 1+t—)+1>2/(t 1)—1+1 3.

D&u =xay ra <:>t—l=i1<:>t=2.Véy GTNN ctia P bang 3 khi b =a?.

N N ./ . s A \ .7 . 2 A, 72 \ ~ A 7z.
Cau 19: Tim gia tri I6n nhat va gia tri nho nhat cia ham s6 y = x+ cos? X trén doan [0; Z} .

1 . r 1 . 1
A.maxy=—; miny=-1. B. maxy=—+—;mny=—.
b 253 RN
1 . T . T
C. maxy=£+—;m|ny=1. D. maxy=—; miny=—.
[O;H 4 2 [0;%} [O;ﬂ 4 [o;ﬂ 6
Loi giai:

Xét ham sG Y = X +€0s” X trén doan {O;%}.
Ta cé: y'=1-2cos x.sin X =1-sin 2x.
Giai y=0<1-sin2x=0<sin2x=1< 2x:%+k27z<:>x:%+k7z.

) o 1
th Tinh O :1' —_ ==
(thoa man). Tinh y(0) y(AJ 775

I 3

Xét trén doan {0; %} = X

= &

A r 1 .
Vay maxy =—+—;miny =

Eiat
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 20: Gia tri 16n nhat cia ham s§ y =e*.cos X trén [O; %} la
A. 1. B Lles C. ﬁ.eg D. ﬁ.eZ
2 2 2
Loi giai:

Tacéd y=e".cosx =y =e*.cosx—e"sinx =e*(cosx—sin x).

y’=0:>cosx—sinx:0<:>sin(x—%j=0<:>x—%:kﬁ<:>x=%+k7r,kez.

Trén 0;z , ta duoc x=£.
2 4

Khi d6 y(o)=1;y(f)=0;y[szﬁ.e‘*.vay maxyzﬁ.ez.
2 4)" 2 oz 2

Cau21l: Chohamsd y= g3 Goi M,m Ian luot la gid tri 16n nhat va gia tri nho nhat cia ham s6
trén [0;2]. Khi d6, InM +2Inm bang
A. 2. B. 1. C. 3. D. -1.
Loi giai:
y=e3 oy = exz*zx‘3.(2x +2)
y'=0x=-1(I)
f(0)=e? f(2)=e°=>M =€’ m=e’=InM +2Inm=-1.
Cédu 22: Gia tri nho nhit ctaham s6 y = x+Inx trén [1; ez] bang
A.l+e. B. 2. C. 2¢*.
Loi gidi:
Tap xdc dinh D = (O; +oo)

S

Ta co y':1+1:> y' >0 ham s6 dong bién véi VxeD.
X
Khi &6 {niriy=y(1)=1.
162

Cau 23: Trén doan [-2;0], gid tri nhé nhat ciia ham s§ y = X* —4In(1-X) bang

A.0. B. -1. C. 1-4In2. D. 4-4In3.
Loi giai:
Xét ham sd trén doan [—2; O] .
4
T=2X+—— .
y 1-x

4 , x=-1e[-2;0]
Y=0=2Xx+—=0-2Xx"+2x+4=0< .
1-x x=2¢[-2;0]

Tacd y(-2)=4-4In3; y(-1)=1-4In2; y(0)=0.
Vay [rgi;g}yzy(—l)zl—4ln2.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025
Ciau24: Goi M ,mlan luot la gia tri 1on nhat, gia tri nho nhat cia ham s6 y = log?, x—2log, X+5 trén
doan[1;8]. Khi d6, M +m bang
A. 16. B. -12. C. 12. D. -16.
Loi giai:
Xét ham s8 y = log?, x—2log, X +5 trén doan[1;8], dat t=log, x véi Vx €[1;8] =t €[0;3]
=y=f(t)=t*-2t+5,t<[0;3]
= f'(1)=21-2=0=>t=1€[0;3]= f (0)=5,f (1)=4, f(3)=8
=>M=8m=4=>M+m=12
Cau25: Chohams6 y= f(x) c6 d6 thi nhu hinh vé bén dudi:

Gid tri 16n nhat cia ham s§ g(x)=2f (x)—1 trén doan [-1;2] la

A. 3. B.5. C.6. D. 2.
Loi giai:

Gié tri 16n nhat cia ham s§ g(x)=2f (x)—1 trén doan [-1;2] 1a

r[glf?\z)](g(x):Zr[[]%]( f(x)-1=2.3-1=5.

Cau26: Chohamsd y = f(X) cé bang bién thién nhu sau:

X -0 -1 3 +00

f'(x) + 0 - 0 +

il T TRe T

Goi M, m lan luot 1a gia tri 16n nhat va gia tri nho nhat cia ham s6 y = f (2 COS X +1) . Tinh
M+m.

A. -2 B.1. C 1. D. 0.

Loi gidi:

Djt t=2cosx+1 (te[-1;3]).

Tacdé: M :mﬂgxy:@%f(t):l; m:mﬂgny:ml;g}f(t):—Z.Suyra M+m=-1.

Cau 27: Choham sd y = f(x) c6 bang bién thién nhu sau:

f’(x) — 0 + 0 — 0 +

Lép Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

£(x) M\_3/2\1/+00

Dat g(x) =f (cos x). Khang dinh nao sau day ding?
A. mmg(x):l. B. ming(x)=2. C. ming(x)=—3. D. mmg(x)zo.

] ] g ]

.....

Dat t =cosx; Vxe[O;Z}:te[O;l].
2
Ta co: rf)l;iﬁng(x) = r[xgﬁ?f(t) =1 dat dwockhi cosx=1<x=k2r, ke Z.
2
Cau28: Cho ham s6 y=f (X) c¢6 dao ham f'(X)zX(X—Z),VXeR. Gia tri nho nhat cia ham s6
y=f (X) trén doan [l; 4] bﬁng

A. (2). B. f(1). C. f(4). D. f(3).
Loi giai
Ta cé f'(x)=0<:>{x_0.
X=2
Bang bién thién: .
X —ah 2 +oo
f(x) + 0 - 0 +
o0

f(x) /'f(O)\f(z) /

Dua vao bang bién thién ta thdy gia tri nho nhét ciia ham sd trén doan [14] 1a f(2).
Cau29: Chohamso y=f (X) c6 dao ham f’(x) tai moi Xe€ R. D06 thi cia ham sd y = f'(X) dwoc
cho nhw hinh vé dudi day:

yl\

Biét ré“mg f (O)+ f (3) =f (2)+ f (5) Gia tri nho nhat, gid tri lon nhatcta y = f (X) trén doan
[O; 5] [an lwot la
A. f(Z); f(5). B. f(0); f(5). C. f(2); f(O). D. f(2); f(3).

.....

Ta c6 bang bién thién cia ham s6 y = f (X) trén doan [0;5]

Lép Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

(V]
o

xr 0

flley 0 . 0 +

£(0 f(5)
fle)| \ /

Tir bang biéh thién ta thiy Min f (x)=f (2); f (2)<  (3)

Ma f(0)+ f(3)=f(2)+ f(5) nén f(5)> f(0)
Vay Max f (x)= 1 (5).

Cau30: Chohamsdbacba y=Tf X c6do thila duong cong trong hinh bén dudi:

1)
Gia tri 16n nhat ciahamsd g x = f x*-3x+2 +2022 trén doan {—3;5} bang

A. f[%j+2022. B. 2024 . C. 2025. D. ijJrZOZZ.

Loi giai:

. 1 3 ., 3 2
Taco—3§x§§:>Z§x —3x+2<2 = f 2 <f x"-3x+2 <f 2
= maxg X =g 2 =f 2 +2022=2025.

e

Cau 31: Choham s8 y= f(x) 1a ham s& bac bdn. Ham s8 y = f'(x) c6 do thi nhu hinh vé bén dudi:

v A
1\)-/1/\ 3 'T

Gia tri 16n nhat ctia ham s8 g(x)= f(\/x2 ~2x+ 2020) trén doan [0;1] 1a

L6p Toan thiy Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 32:

Cau 33:

A. f(+/2020). B. £(v/2019). C. f(1). D. £(0).
Loi giai:

x=-1
T d6 thi ham s6 y = f'(x) ta thdy f'(x)=0<|x=1 .

x=3

Xét ham s& g(x)zf(\/xz —2x+2020).

g'(x) x 1 .f’(\/x2—2x+2020); g(x)=0e

Jx? —2x +2020 x-1

=0
Va? —2x+2020
Va? =2x+2020 =-1 | /x* —2x+2020 =~1(vn)
X’ —2x+2020 =1 x*=2x+2019=0 (vn)
= = < x=1.
X —2x+2020=3  |[¥*—2x+2011=0 (vn)
| x=1 x=1
Tt d6 thi ham s6 y = f'(x) ta thdy v6i x>3 thi f'(x)<0.
Ma +/x* —2x + 2020 /2019 > 3 nén f'(\/xZ +2x+2019) <0 véi VxeR.
Bang bién thién:
x —OC | —+0C

q'(x) + () _

f(V2019)

\

glx)

Ta thdy ham s8 g(x)dong bién trén doan [0;1] , suy ra rt[%g]xg(x) =g(1)= f(\/2019).

x—mz

Cho ham s8 f (x) = . Goi m, la gia tri 16n nhat cua tham s6 m d€ ham s6 da cho ¢ gia

x+4
tri nho nhat trén doan [0;6} bang —4. Khang dinh nao sau day dung?

A. m,e(57). B. m,(1;3). C. m,e(7;9). D. m, €(3;5).
Loi gidi:

£(x)= xx_:,f = f'(x)= (m:;;i >0,Vm——>Ham s6 dong bién trén [0;6 .
x

m2

Suy ra: r[ro1;i6r]1f(x)=f(0)=—T=—4<:>m2=16<:>m=i4 suy ra m=4.

Cho ham s& f (x) =i?_x—_'_2, véi a, b 1a tham sd. Néu mRin f(x)="f(-1)=-1thi max f(x) bang
+
Al B. > c 3 p. L
20 12 4 4

Loi giai:
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

—ax? —2bx +4a

(x2+4)2
Do min f (x)=f(-1) nén f'(-1)=0=3a+2b=0 (1)
Do f(-1)=—-1=b-a=-5 (2)

Tte (1) va (2) suy ra a=2 thay vao ham s6 ta duoc f(x)—zx_3
=3 ' X2 +4

Ta co f'(X)=

oy -1
Ta co: f'(x)zﬁ; f'(X)zO@K )

+oC

,.,
|
]
|

\0

[0

/
\

Dua vao bang bién thién max f (x) = 1
R 4
Cau34: Goi m, M Ian lwot 12 gia tri nho nhat, gid tri 1én nhat caa ham s§ y = x* —3ax’ +6 trén doan
[0;3] . Cébao nhiéu gia tri a véi 1< a<g déE m+M =37
A. 0. B. 2. C. 3. D. 1.
Loi giai:
x=0

Ta cé y' =3x*—6ax, y’:0<:{
X =2a.

Vil<a< g nén 2 < 2a < 3. Ta c6 bang bién thién nhu sau:

x 0 2a 3

Bitcc 33 — 27a

Mait khac 1<a<g suy ra 33—-27a<6.
Doddé M =6 va m=6-4a’.
Theo gia thiét m+M :3@12—4a3:3<:>a:§/ge(1;gj.

Vay ¢ mot gia tri a thoa yéu cau bai toan.
Cau 35: Cho hai diém thay d6i A, B Tan luot thudc do thi y=e"" va y=In (x—1). Gia tri nho nhat

ctia AB bang a+b-\/§ (a, bEQ). Gia trj a+b bang
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025
A. 1. B.
Loi gidi:
Dat t = x —1. Bai toan trd thanh tim trén 2 d6 thi y=¢'; y =Int hai diém A, B sao cho khoang
cach gitta chung nho nhat. Vi d6 thi cua hai ham s6 y=e"; y=Inx d6i xtng nhau qua
duong thang y = x. Nén AB nhé nhat khi va chi khi khoang cach tir A dén duong thang

x—e*| |e*—x
A:y=X< X—yY=0 nhonhat. Tacé A(X;€") nén d(A:A =‘ = ‘
(e") nén a(ara) ===
e —X e’ -1
Xétham s f (X)= c6 f'(x)= ; f'(x)=0=x=0.
(=2 5" 6 100 =25 ()
Bang bién thién:
a - +x
fi(z) - 0 -
+x + o
flx) \ | //’v
2
Dua vao bang bién thién ta c6 mind (A;A)=min| f (x)| =min f (x):%.
Do d6 min AB=2mind(A;A)=v2=a=0,b=1=a+b=1.
2
; - _2 ’ . \ A ’ . . 2 A ey . P
Cau 36: Cho ham s0 y= L, voi M la tham sO. Goi S la tap cac gid tri cuia m dé gia tri 16n
X—m
nhét ctia ham s8 da cho trén doan [0;4] bdng —1. Téng tt ca cac phan tix cia S bang
A. 6. B. -1. C. 1. D. 3.
Loi gidi:
m? —m+2
Tacéd: y'=———>0,Vx=m.
(x+m)
2 4m-6=0 =°
m’+m-6=
y(4)=-1 =-3
Suy ra maxy=-1< <9 m>4 oS < m=-3.
[0:4] m¢[0;4] {m >4
m<0
m<0

Khi dé S ={-3}.
Tong tat ca cac phan tir ctia S bang 3.

III. BAI TAP TU LUYEN

Cau37: Chohamso y="f (X) xac dinh trén tap D. S6 M dwoc goi 1a gid tri 16n nhét cia ham s6
y= f(X) trén D néu

A. f(X)SI\/l voimoi xeD.

(X)=M véimoi xe D vaton tai X, € D saocho f(X%)=M.
) M

B. f
C. f(X)<M véimoi xe D vatontai X, € D saocho f (%)=
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D. f(X)ZI\/l voéimoi XxeD.

Cau 38: Tim gid tri 16n nhat cia ham s§ y =—x*+3x* +12 trén doan [-3;1].

A. 66. B. 72. C. 10. D. 12.
Cau 39: Trén doan [—2 ;l] ham s6 y = x* +3x° —1 dat gia tri nho nhat tai diém nao dudi day?
A. x=-2. B. x=0. C. x=1. D. x=-1.

3
Cau 40: Biét gia tri 16n nhat va gia tri nho nhat cia ham sd y = % +2x* +3x—4 trén [—4; 0] [an luot la

M va m. Gié tri cia M +m bang

A -2 B 2. c. 4. p. -3
3 3 3
Cau41: Gid tri nho nhat ctia ham s§ y = X° —2x* —4x+5 trén doan [1;3] bang
A. 0. B. 2. C. -3. D. 3
Cau42: Goi M, m Ian luot la gia tri 16n nhat va gia tri nho nhét ciia ham s6 f (x) = X—+i trén doan
X -
[3;5]. Khi d6 M —m béng
A.Z. B.l. C. 2. D.g.
2 2 8
Cau 43: Gia tri nho nhat ctia ham so f (X) =x*-3x+2 trén doan [—3; 3] bang
A. 4. B. 0. C. 20. D. -16.
Cau44: Gid tri nho nhdt m ctiaham s6 y = x> - 7x* +11x—2 trén doan [0;2] 1a
A. m=-2 B. m=0 C. m=-3 D. m=11

Cau 45: Goi m la gid tri nhd nhat cia ham s6 y = 3x+1 trén doan [—1; 1] . Khi d6 ,gia tri caia m la

A.m=4, B. m=-4. C.ng. D.mz—g.
3 3
Cau 46: Tim gia tri nho nhat cia ham s6 y = x* —3x* = 9x +5trén doan [—2; 2].
A. 3. B. -22. C. -1. D. -17.
Cau47: Gid tri nho nhat cia ham s8 y = x* —3x +1trén doan [-2;0] bang
A. 1. B. 2. C. -1 D. 3.
Cau48: Gid tri nho nhat cia ham s8 y = X° +3x* —9x +1trén doan [-4;4] 1a
A. 4. B. 4. C. 1. D. -1.
Cau49: Goi M, m Ian luot la gid tri 1on nhat va gid tri nho nhét cia ham s6 y = 2x +23 trén doan
X+
[-1;1]. Tinh M +2m.
AL B2, c i p. .
3 3 3 3
Cau 50: Tim gia tri 16n nhdt chtaham sd y = 3 _31 trén doan [0;2].
A._—l. B. 5. C.5. D.l.
3 3
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. Ve X+x+4 N
Cau51:  Gid tri nho nhat cia ham s8 f (x) = g en doan [0;2] bang
X+
A. 4. B. —5. C. 3. D.E.
3
Cau 52: Gia tri 16n nhat cia ham sd y = x+ 1 trén doan [-4;-1]bang
X i
A. 5. B. -, c. -2, D. -9.
2 5
A I . X+4 a1 1
Cau 53: Gia tri nho nhat cia ham so y = > trén doan [3, 4] la:
X —_
A.7. B. -6. C.3. D. 4.
. e e o e X438 o1
Cau 54: Gia tri nhé nhat cia ham s6 y = 1 trén doan [—4, —2] la
X+
A. miny=-7 B. min y——B C. miny=-8 D. miny=-6
" ) ' " 4] 3’ " 42 ' C 4] '
Cau55: Tdng gid tri 16n nhat va gia tri nho nhat ciia ham s§ f (x) = x* —2x* +2 trén [0;2] bang
A. 12 B. 11. C. 3. D. 20.
Cau 56: Gia tri 1én nhat ctia ham s6 y = X* + 2x +1 trén doan [—l; 1]
A. 4. B. 1. C.0. D. 5.
Cau 57: Gia tri nho nhat ciaham sd y = X—_:ll trén doan [0;3] la
X+
: 1
A. min y=-3. B. miny=—. C. miny=-1. D. min y=1.
xe[0; 3] y xe[0; 3] y 2 xe[0; 3] y xe[0; 3] y

Cau 58: Cho ham s§ y=X>+3x’>-9x+1. Tim gid tri 16n nhat M va gia tri nhé nhat m ctia ham s&
trén doan [0;4] la
A.M=28,m=-4. B.M=77;m=1. C.M=77m=-4. D.M=28;m=1.

Cau 59: Tim gia tri nho nhat cia ham s y = x 1 trén doan [13].
X

A.9. B.2. C. v/28. D. 0.
Cau 60: Tim gia tri nho nhat M ctia ham s8 y = X* = 7x° +11x—2 trén doan [0;2].
A. m=11 B. m=3 C.m=0 D. m=-2

Cau 61: Gia tri 16n nhat ctia ham s8 f(X) =v2x—Xx* trén doan | 0; 3 ban
> g

N

A. 0. B.?. C 2. D. 1.
X X \
Ciu 62: Ham sd y:?+?—2x—1 c6 GTLN trén doan [0;2] bang
A.0. B._—l. C. -1. D._—ls.
3 6

2

4
Ciu 63: Tim gia tri 16n nhat cia ham s6 Y = trén doan [1; 3] .
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16
A. max 4. B. max 5. C. maxy=—. D. maxy=—
[13] y= (3] y= (3] y 3 (3] y 3’

Cau64: Hamso y= (4— x? )2 +1 co gia tri 16n nhat trén doan [—1;1] la
A.17. B. 10. C.12. D. 14.
Cau 65: Tim gia tri I6n nhat cia ham s6 y = x+ 9 trén [1;,9].
X

A. maxy=10. B. maxy 6. C. maxy=12. D. maxy=-6.

9] [19] 9] 9]
Cau66: Goi M,m lan luot la gia tri 16n nhat, gia tri nho nhat cua ham sd vy =2X—+2:L trén doan
[3,7]. Tinh M —2m.
A. 1. B. -11. C. 4. D. 4.
Cau 67: Tim gia tri nhd nhat m ctia ham s6 y = X° +§ trén doan [%2}

17

A. m=3. B. m=5. C. m:I. D. m=4.
Cau 68: Gia tri 16n nhat va gia tri nho nhat cia ham s6 f (X) =1 82 + X trén doan [l; 2] lan lwot 1a
+ 22X
A. E,Z B. E,@ C. E,Z D. @,E
3 2 3 5 3 2 5 2
Ciu 69: Gié tri nho nhét ctia ham s§ f (x)=—x*+4x trén doan [-2;5] la
A. -12. B. 4. C. 4. D. 12.

Cau 70: Gia tri nhé nhat cia ham s6 y =1+ x+ 4 trén doan [—3; —1] bz?mg
X
A. 5. B. 4. C. -6. D. -5.

2

AP X“+3
Cau 71: Tim gia tri nhé nhat chiaham s6 y =

trén doan [2 , 4] )

. . 19 .
A. I’[TZI;IAIily——S. B. r[r;;lllrfy_g. C. rr21|4r]1y 6. D. r[g;IAIily——Z

Cau72: ChoabelR,O0<a<b,hamsd y= f(X) c6 dao ham trén R thoa man f’(X) <0, Vxe (a;b) )
Gid tri nho nhat ctia ham so da cho trén doan [a X b] béng

a+b
A T(b). B. f[ aib j C. 1(a). D. f (+ab).
A .7 e 17 A, B \ A 2_4 A 3 M
Cau 73: Gia tri 16n nhat ctia ham so f(X)z trén doan 5;4 bang
X
A. 2. B. 4. C. —%. D. -5.

Cau 74: Tim gia tri 16n nhat (max) va gia tri nho nhat (min) cia hamsé y = x + 1 trén doan {g ; 3} .
X

0 . 13 Q
B- 3
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maxy:E miny =2 D maxyzl— miny:E
i R
2
Cau 75: Gia tri nho nhat cia ham s6 f (X) _X ;4 trén doan [1; 4] bang
A. 24/2. B. 5. C. % D. 4.

, . n 2
Cau 76: Tim gid tri nhé nhat mctiaham sd y = x?+= trén doan {% : 2}.
X

A.m=Z B. m=10 C. m=5 D. m=3
A \ ~ X2_3X+3 N \ ‘A \ .7 « 17 A \ .7 o ” A, 2
Cau 77: Chohamso y= —1 Goi M va m lan luot la gid tri 16n nhat va gia tri nhé nhat ctia
X_

ham s0 trén doan {—1; %} Tinh tich M -m.

A. -3. B.Z—l. C.—i. D. 0.
2 2
Cau78: Goi M va m lan luot 1a gia tri 16n nhét va gid tri nho nhét cuia ham s6 f (X) =2X—44/6—-X

trén doan [-3;6]. Tong M +m c6 gia tri 1a

A. 6. B. -12. C. 4. D. 18.
Cau79: Goi M va mlan luot 12 gi4 tri 16n nhat va nho nhat ctia ham s8 y =+/5—x +~/x+3 . Hiéu

M —m bang

A 4-22. B. 2. C.7-42. D. 8-5+2.

2

Cau 80: Goi M, mlan luot 1a gia tri lon nhat va gia tri nho nhat cia ham s6 y = trén [—2;1] .

Tinh T =M +2m.

A. T=—§. B. T =-10. C. T=—%. D. T=-14
Cau 81: Tim tap gia tri ciaham sd y =+/Xx-1++9-X.

A.T=[L9]. B.T=[2V2;4]. CT=(19). D.T=[0; 242].
Cau 82: Gié tri I6n nhét cia ham s6 y=+16—x> bing

A. 16. B. 4. C.0. D. 1.

. o XP=Bx+l 1 .
Cau 83: Gia tri nhdé nhat cia ham s6 y = — trén doan 5;3 la
X
A. -3. B. —g. C. —E. D. 1.
3 2
2_

Ciu 84: Gia tri 16n nhat chtaham sy = L)T—gtrén doan [—2;%} la

A. —Z. B. —E. C. 1. D. -3.

2 3
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Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

Cau 98:

VN o 9. . \
Gi4 tri nho nhat ctia ham s6 y = x+— trén doan [2;4] 1a
X

2 C. miny=-6. D. miny:§.

A. miny=6. B. miny=—.
y [2:4] y 4 [2:4] [2:4]

/, \ .7 « 17 A, 2 \ ~ 4 A M
Tich cua gia tri nho nhét va gia tri 16n nhat cia ham s6 f (X)=X+— trén doan [1; 3] bang
X

A 2 B. 20. C. 6. D. 2.
3 3
Tap gia tri chaham s6 f (x)= X+g voi X e [2;4] la doan [a;b] .Tinh P=b-a.
X
A.Pzé. B.P=1. C.P=E D. P=6.
4 2 2
Gia tri nhé nhat cia ham s8 y = x° —3x+5 trén doan [2;4] 1a
A. r[g|4r]1y:3. B. r[2|4r]1y:7. C. Elﬂy:S. D. gl;lﬂyzo.
. o Tn LA o Tod ~ X+1 .
Tim gia tri nhé nhat cia ham s6 y = ~—3 trén doan [—1, 2] .
A' xgnJPZyzg B. xgnJPZy:_B C anJPZy:O D. xglllnzy:_‘l
Tim gia tri nho nhat M cia ham s6 y = x® —3x? trén [—1;1].
A.m=-4, B. m=0. C.m=-2. D. m=-5.
Tinh tong gia tri 16n nhat va nho nhat cia ham s6 f (x)=x* + 2 rén doan [% ; 2} :
X
A. 8. B. 5. C. 4. D. 6.
Gia trj 1én nhat, gia trj nho nhat ciia ham s8 y = X++/1-x* lan lwot 1a
A.2;1. B. V/2;1. C. \2;-1. D. +/2:1.

Goi mva M Ian luot 1a gia tri nho nhat va gid tri lon nhat cia ham s6 y = x—+/4—x* . Khi d6
M —m bang

A. 4. B. 2-4/2. C. 2(v2-1). D. 2(v2+1).
Tim gia tri 16n nhat ciia ham s y = 2" trén doan [—1; 2] la
A.%. B. 4. C. 2. D. -1.
Gi4 tri 16n nhat chiaham s6 y = e 5 trén doan [0; 3] )
A.5. B. €°. C.e. D. €°.
Gi4 tri nho nhat cia ham so f (X) =X.e* trén doan [—2 : —1] b:?mg
Al B. -1 c 2. D. - 2.
e e e e
Tim gia tri nho nhat m va gia tri 16n nhat M cua ham s y =log, (X +1) trén doan [1; 7].
A.m=1LM=7. B. m=1M =8. C.m=LM=3. D. m=3;M =8.
Gid tri 16n nhat ctia ham s8 y = (x—2)° €* trén doan [1;3] 1a
A. ¢’ B.e. C.0. D. e*.
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Cau99: Goi M, m Ian luot 1a gid tri 16n nhét va gid tri nho nhat cua ham s Y = x’e* trén doan

[-3;,—1]. Tinh S = Sy
M

2
AS=2 B. S=—. c.s=2 D. =2
4 e e 4
Cau 100: Gia tri nho nhat ctia ham s8 y =log,” x—4log, x+1 trén [1;8] bang
A. 2. B. 1. C. -3. D. 2.
Cau 101: Gia tri nhé nhat ctia ham s6 y = x—3In x trén doan [1;6] bang
A. 1. B. 3-3In3. C. e. D. e-3.

Cau 102: Gia tri nho nhat, 16n nhat cia ham s6 y = X —Inx trén doan E;e} theo thit tu la
\ 1 \ \ N\ 1
A.lvae-1. B.E+In2 vae-1. C.lvae. D.1va E+In2.

, s IR 1 e s e A
Cau 103: Ham s6 y =Inx—In (X2 +1) dat gid tri 1on nhat trén doan {E : 2} tai diém nao dwdi day?

A. x=1. B.x:l. C.x=§. D.x:E.
2 2 4

Cau 104: Tim gia tri 16n nhat ctia ham s8 f (x) =e** —2 trén doan [0;3].
A.e'-2. B.e’-2. C.e-2. D.e*-2.
Ciu 105: Tim gia tri I6n nhat cia ham s6 y = (X2 +1) Inx trén doan [1;(9] .

A. ma])(y:e2 +1. B. maxy=0. C. Khéng ton tai. D. rﬂajxy:4e2 -1.

(L [L:e]
Cau 106: Goi M, N Ian lwot 1a gia tri 16n nhat va gia tri nho nhat cia ham sd y = x?.e™* trén doan
[-1;1]. Tinh tong M +N .

A.M+N=3e. B. M+N=e. C. M+N=2e-1. D. M +N =2e+1.
Cau 107: Gia tri nho nhat cia ham s§ f (x) = xe” trén doan [-2;-1] bang

Al B. -1 c. 2. D. -2

(] (5] e e

Cau 108: Tim gia tri 16n nhat ctia ham s§ f (x) =" -2 trén [0;3].

A.e'-2. B. e’ -2. C.e-2. D. e’ -2.
Cau 109: Gia tri 16n nhét cia ham s f (x)=(2x—3)e*trén [0;3]1a

A. max f (x)=¢’. B. max f (x)=5¢>. C. maxf(x)=4e’. D. maxf(x)=3e’.

[0:3] [0:3] [0:3] [0;3]

Cau 110: Gia tri 16n nhat ciaham s y = (2X—1)+ In (2X +1) trén doan [—%;O} béng

A. —g—lnz. B. -1. C.In2. D. 1+In3.
Cau 111: Gia tri 16n nhat cia ham sd y = X(Z —In X) trén doan [2; 3] la
A. maxy=e. B. maxy=6-3In3. C. maxy=4-2In2. D. maxy=1.
xe[2;3] xe[2;3] xe[2;3] xe[2;3]

Cau 112: Gia tri nho nhat ctia ham s§ y = xInx trén khoang (0;+x) bang
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A et B. e. C. -1. D. .
Cau 113: Cho hams§ f (x)= 2?)(3+ Inx . Gia tri nho nhat ctia ham s6 g(x) :% f'(x) la
A. 3. B. 2. C. 1 D. Gia tri khac.
Cau 114: Tong gid tri 16n nhat va gia tri nho nhat cia ham s6 y = InTX trén doan {% ; ez} la
A.T:—e+e£2. B.T:e—%. C.T:%l+e£2. D.T:%—e.

Ciu 115: Tim gia tri 16n nhat cia ham s6 y = (X2 +1) Inx trén doan [1;6] .
A. n[}a]xy:ez +1. B. rHa]xyzo. C. Khong ton tai. D. rﬂa]xy:4e2 -1.

Cau 116: Goi M, m lan luot 1a gia tri 16n nhat, gia tri nho nhat cia ham sd y = (x—1)In x trén doan

[l;e]Khi d6 M +m bang

e
iy B. 1. C. e-1. p. &1
e e e

Cau 117: Gid trj 16n nhdt ctia ham s8 y =(x—2) e trén [1;3] bing

A.e. B. 0. C.¢e°. D. e*.
Cau 118: Gia tri nhé nhat cia ham s6 y = In(X2 —2x+1)—x trén doan [2;4] béng

A. 2. B. 2In3-4. C. -3. D. 2In2-3.
Cau 119: Gié trj 16n nh&t M va gié tri nho nhat m ctia ham s§ y =x* - 2Inxtrén [e ;e 1a

A. M=e’-2, m=e?+2. B. M=e?+2, m=1.

C. M=e?+1, m=1. D. M=e?-2, m=1.

Cau 120: Choham s6 f (x)=x*—x—Inx. Biét trén doan [1; e] ham s6 c6 gia tri nho nhat1a m, va c6
gia tri léon nhatla M . Tinh M +m.

A. e’ —e+1. B. e’ —e-1. C.e’-e. D. 2¢° —e+1.
Cau 121: Tim gia tri nho nhat cia ham s y = x.e” trén doan [1; 2].
1 e
A e. B. 2¢°. C. —-. D. —.
e 2

Cau 122: Gia tri 16n nhat cia ham so f (X) = XIn X trén doan [2; 3] béng
1

A. (2). B. f(3). C f ) D. f(e).
Cau 123: Gia tri nho nhat ctia ham s§ y =(2x—1)e” trén doan [-1;0] bang

A. —§. B. —i. C. -1. D. e.

: N

Cau 124: Goi Mva M lan luot 1a cac gid tri nho nhat va gia tri 16n nhat ctia ham s§ f (x) =e**trén

doan [0;2]. Dang thttc nao dudi day dung?

A. M-m=e. B. m+M =1. C. m.M:iz. D. —=e".

e m

Cau 125: Gia tri lon nhat chtaham s Y = X(2 —In X) trén doan [2;3] béng

Lép Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

A. 3. B. 6-3In3. C. 4-2In2. D. e.
Cau 126: Goi a,blan luot la gid tri 16n nhat, gia tri nho nhat cia ham s6 y = x* +log, (2 - X)trén doan

[—2;0]. Tong a+b béng

A. 5. B. 0. C. 6. D. 7.
Cau 127: Tim gia tri 16n nh&t y =e* + X trén doan [-2;2].
A e-2. B. e+2. C.e*-2. D. e’ +2.
Cau 128: Tim gia tri I6n nhat cia ham s6 y = X+ e?* trén doan [O ;1] .
A. maxy=¢e’. B. maxy=2e. C. maxy=1. D. maxy=e’+1.
xe[0;1] xe[0;1] x€[0;1] xe[0;1]

Cau 129: Gid tri nho nhat ctia ham sd y = xe* trén [-2;0] bang

A. 0. B. -2 C. -e. p. -1
e e
Cau 130: Tim gia tri nho nhat cia ham s6 y = e** +2e* trén doan [0;2].
A. miny=2e*+2e*. B.miny=e*+2e*. C.miny=3. D. miny:iz+g.
[0:2] [0:2] [0:2] [0:2] e” e
Cau 131: Cho ham sd y:x3_§x2 +1. Goi M 1a gid tri 16n nhat cia ham s6 trén khoang ( —25; %j
Tim M .
A.M=1. B.le. C. M =0. D.Mz%.
2 250
Cau 132: Tim gid tri nho nh&t ciaham s6 y = f (x) =4x’ 1 aen khoang (0;+).
X
A. min f(x)=-1. B. minf(x)=-4. C. minf . D. min f (x)=-3.
(0;+oo) ( ) (0;+oo) ( ) (0+oo ( ) (O;+oo) ( )
Ciu 133: Tim gia tri nho nhat ctia ham sd y=x—5+l trén khoang (0;+oo).
X
A. m|ny 2. B. mlny_— C. mlny_—3 D. mlny_—

(0 +oo (O +oo O +oo (0 +co
Cau 134: Gi4 tri nho nhat cia ham s y = x* + 2 véi X >0 bang
X
A. 4. B. 2. C. 1. D. 3.
Cau 135: Gid tri 1on nhét ctia ham s8 y = x(1—x*) trén khoang (0;1) la
Al B L. . 0. p. 22
9 J3 9
Cau 136: Gia tri 16n nhat cia ham s8 y = V—x? + 4x trén khoang (0;3) bing
A. 4. B. 2. C. 0. D. -2.

’, \ A 4 A 9 M
Cau 137: Gia tri I6n nhat chiaham sd y = X+ | trén khoang (— ; 1) bang
A.5. B. -1. C.3. D. -3.
v \ ~ 4 A 2 N
Cau 138: Goi m la gid tri nho nhat cia ham s6 y = X—-1+ —1 trén khoang (1; +oo). Tim m.
X —

A.m=2. B. m=5. C. m=3. D. m=4.
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Cau 139:

Cau 140:

Cau 141:

Cau 142:

Cau 143:

Cau 144:

Cau 145:

3x? —8x+6 _.

5 la
X —2x+1
A. 2. B. 1. C. -1. D. 2.

Gia tri nho nhét caa biéu thiic A=

14 .7 . 2 A 2 N\ ~ 4 A 2
Tinh gia tri nho nhat cia ham s6 y = X+— trén khoang (0; +oo).
X

A. miny=5. B. miny=4. C. miny=3. D. miny=8.
(0;+0) y (0;+0) y (0;+0) y (0;+0) y

Tim gia tri nhé nhat M ctia ham s8 y = x° +§ trén (0;+0).
X
A. m=1443. B. m=243. C.m=4 D.m=2

Goi m la gia tri nho nhat cia ham s6 y = x -1+ il trén khoang (1;+0). Tim m.
X —_

A. m=5. B. m=4. C.m=2. D. m=3.
, . X2 —x+1
Gia tri nho nhat ciaham so y = 1 trén khoang (1;+) la
7
A. —g. B. 5. C.-1. D. 3.
Cho ham s8 y = f (x) lién tuc trén doan [-1;3] va c6 d6 thi nhu hinh bén dudi:
|-ll |
3 ________
2
: -1 2 +

Goi M va m Ian luot la gia tri 16n nhat va nho nhat cua ham s6 da cho trén doan [—1; 3] . Gia

tri cia M —m bang
A. 0. B. 1. C. 4. D. 5.

Chohamsd y=f (X) lién tuc trén doan [O; %} c6dothi y=f '(X) nhw hinh vé bén dudi:

Hamso y=f (X) dat gid tri 16n nhat trén doan [% : 3} tai diém X, nao dudi day?
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A.x,=0. B. X, =3. C. x, =1. D. xO:%.

Cau 146: Cho ham so f(x) cO dao ham f’(x) = —x(x - 2)2 (x - 3) ,Vx eR. Gia tri 16n nhat cta ham so da
cho trén doan [O ;4] bﬁmg
A. £(0). B. £(2). C. f(3). D. f(4).

Cau 147: Cho ham s8 f (X) c6 daoham f'(x)=x(x-1)(x+2)’,¥x e R. Gi4 tri 16n nhét ctia ham s& da
cho trén doan [—2 ;1] béng
A. £(0). B. f(2). C. f(3). D. f(-2).

Ciu 148: Choham s8 y = f (x) lién tuc trén R va c6 daoham f'(x)=(x+1)(x-2)"(x-1),vxeR.
Gié tri nho nhat cia ham s6 da cho trén [—1; +oo) béng
A. f(1). B. £(2). C. f(3). D. f(-2).

Cau 149: Choham s y = f (x) lién tuc trén R va c6 bang xét dau dao ham nhu sau:

J‘l_x -1 0 1 +0o0
-l - 0 o+ 0 -

’!
Y

Khang dinh nao sau day ding?

A. m%f(x): f(1). B. (gl;ipl)f(x): f(-1).
C. Tﬁ)]( f(x)=f(0). D. (T;ig) f(x)=f(0).

Cau 150: Cho ham s8 y = f (x) c6 dao ham f'(x)= 2X—£2, VX # 0. Gia tri nho nhat ctia ham s6 trén
X
(0;+oo) la
A. f(l). B. f(3). C. f(O). D. f(—2).
Cau 151: Chohamso y=f (X) c6 dao ham f (X) lién tuc trén R vahamsd y=f (X) co do thi trén
doan [—2; 3] nhuw hinh vé bén dwdi:

)

Goi M 1a gia tri lén nhat va m la gid tri nho nhat cta ham s6 y = f (X) trén doan [-2;3].
Khang dinh nao duwéi day dtng?
A M=f(=2);m=f(1). B. M =f(3);m=f(1).
C.M=f(1);m="f(-2). D. M =f(3);m=f(-2).

Cau 152: Cho ham s8 Y = f (X) lién tuc va cé bang bién thién trong doan [-1;3] nhu hinh bén duéi:
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Cau 153:

Cau 154:

Cau 155:

Cau 156:

r |-l () 2 3

4

) +

| 0 -
7 4
Y
, / \ : /
Tim gié tri nho nhat M ca ham s6 y = f (X) trén doan [-13].

A. m=f(0). B. m=f(2). C. m=f(-1). D. m= f(3).
Cho ham s6 Y = f (X) lién tuc trén [-3;2] va c6 bang bién thién nhu hinh dudi:

x| -3 0 1 2

Goi M, m lan luot 1a gia tri 16n nhat va gid tri nhé nhat ctia ham s§ y = f (x) trén [-3;2].
Tinh M —m.
A.5. B.7. C.6. D. 4.

Cho ham s8 y = f(x) ¢ bang bién thién nhuw sau:
—00 -1 0 1 +00
f'(x) - 0 4+ 0 - 0 4

£(x) %\_3/’2\ 1/'JrOO

Khang dinh nao sau day dung?

A. xel[l}g?fﬂf(x) = f(—5). B. xel[l}g?fﬂf(x) = f(—15).
C. er[I-E%?-(s]f(x) =2. D. xer[r_ll??fs]f(x) = f(—lO).
Cho ham s§ y = f(x) c6 bang bién thién nhu sau:
—0 -1 0 1 +00
f(x) -0 n 0 - 0 n

f(x) +OO\A_3/'2\A1/'+Oo

bat g(x)=3-4f(x). Khang dinh nao sau day dung?
A. min g(x) =15. B. min g(x) =-5. C. min g(x) =-15.  D. max g(x) =-3.

xe[—l;l] xe[—l;l] xe[—l;l] xe[—l;l]

Cho ham s8 Y = f (X) c6 bang bién thién trén doan [-4;1] nhu sau:
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T —4 -2 0 |

f'(x) - 0 + 0

" 3\ / | \
0 9

Ménh dé nao sau day dung?
A. max f(x)=3, B. ml{]l f(x)=—2. ¢ max f(x)=1, D. ?_‘lzi;[]] f(x)=0,

© 21

Cau 157: Cho ham s6 y = f (x) 1a ham s lién tuc trén R va c6 bang bién thién nhw hinh vé dudi day

X | - -1 0 1 4o
i - 0

TN

Khéng dinh nao sau day la khéng dinh dang?
A. mRiny:O. B. m}gxyzl. C. mRiny:B. D. m]gxy=4.

Cau 158: Cho ham sd y = f (X) c6 d6 thi nhw hinh vé bén. Goi M, N Ian luot 1a gia tri 16n nhat, gia tri
nho nhat cia ham s6 trén doan[-2;2]. Tinh gi4 tri biéu thite P=3M —2N .

A 2. B. 3. C. 5. D. 11.
Cau 159: Cho ham s y = f (X) c6 d6 thi nhu hinh vé sau

v

Gia tri 16n nhat cia ham sO da cho trén doan [—1; 2] bf?mg
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A. -1 B. 2. C.0. D. 4.
Cau 160: Cho ham so f (X) lién tuc trén [—1; 5] va co do thi trén doan [—1; 5] nhuw hinh vé bén dudi:

Tong gia tri 1on nhat va gia tri nho nhat ciia ham s6 f (X) trén doan [-1;5]bang
A. -1. B. 4. C. 1. D. 2
Cau 161: Cho ham s8 f (X)lién tuc trén doan [-3;2]va cé 6 thi nhu hinh vé bén dudi:

Goi M,mlan luot la gid tri 16n nhat va nho nhat ciia ham s8 da cho trén doan [-3;2]. Gia tri

cia M —mbang:
A. 4. B. 3. C. 5. D. 0.
Cau162: Chohams6 y=f X c6bangbién thién nhu sau

i A — {l 1 +0o0

iy -0 4+ 0 -

AN

Gi4 tri nho nhat ctia ham s8 da cho bang
A.5. B. 1. C. 4. D. Khong ton tai.
Cau 163: Cho ham s6 y = f (x) c6 do thi trén doan [-2;4] nhu hinh vé bén dudi:
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Cau 164:

Cau 165:

Cau 166:

Cau 167:

Y
o1 IEPERPOEY
|
Lo
| &
2 4
Tim {pzlﬂ f(x).
A -1 B. —4. C.2. D. -3.
Cho ham s6 y = f (X) c6 db thi trén [-2;4] nhu hinh vé bén dudi:
/1N
/ H \\ ............................... B o \
‘ \ /1 =
/ 7 \\\\
.................................. + \\//- EPPRCIENNS. METRi Wsa, ~ 2
\ ,//
( I 3j |

Gia tri 16n nhat cua f (X) trén [—2;4] bang
A. 4. B. -1. C. 2. D. 3.
Cho ham s8 y = f (X) lién tuc trén doan [-2;2] va cé d6 thi nhw hinh v& bén dudi :

Y
_._....:ép._._&
/\
[ / | \\
! / |
! 1/ ) \\
I __‘L__l___
1 !
A\
's \[ 1 " e o
-2 -1 0 1 2 =

Goi M va m lan lwot 14 gia tri 16n nhét va gia tri nho nhat cua ham s6 da cho trén doan
[-2;2]. Gid tri cta M +m bang

A.0. B. 1. C. 4. D. 3.

Cho ham s da thtc y = f (X) c6 bang bién thién nhuw sau:

X 1 () | 2

LY M

Va4

Gia tri nho nhat ctia ham s6 g (x)= f (3cosx—1) bang

A. 23. B. 68. C. 1. D. -15.
Choham s6 y =g x c6 bang bién thién nhu hinh bén dwdi:
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Goi M, m Tan luot 1a gid tri 16n nhat va nho nhét cua ham s8 y =g (\/1+8sin2 X —2) . Tinh

M —m.
A M—m=2. B.M—m=1. C.M—-m=6. D. M —m=4.
Cau 168: Cho ham s3 y = f (x) lién tuc trén doan [-3;1] va c6 d6 thi nhw hinh bén dudi:

Xy

Tim gid tri ciia tham s& m d€ gid tri nho nhat cia ham s y = f (4|Sin 2022x| —3)— m bang 5.
A.m=-3. B. m=-7. C. m=1. D. m=-1.
Cau 169: Cho ham s8 Y = f(X) c6 bang bién thién nhu hinh vé sau:

—

Goi M,m lan lwot la gia tri 16n nhat, nho nhét cia ham sd trén doan [—2; 6] . Tinh

P=2M +m.
A. P=6. B.P=7. C. P=9. D. P=8.

Cau 170: Chohamso y=f (X) co bang xét dau dao ham nhu sau:

™ -1 ] 1 fog

i

_ H — 0 4 il -

Ménh dé nao sau day dting?
A. min f(x)=f(0). B.maxf(x)=f(1). C. maxf(x)=f(0). D. (min)f(x)z f(-1).

(-1;+) (0;+) (-11]
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Cau 171: Cho ham s8 y = f (X) c6 d6 thi nhu hinh bén dudi:

\./

Goi MM lan lugt la gia tri nho nhat va gid tri 1on nhat ciaham sd y = f (—ZX) trén doan
[—1; %} Gia tri cua 2m+3M 1la

A. 0. B. 3715 C.4. D. -8.

Cau 172: Chohamso y=f (X) cdédaoham y=f ’(X) lién tuc trén R va d06 thi cia ham s f '(X) trén

doan [-2;6] nhw hinh vé bén dudi:

-1
Tim khang dinh dtng trong céc khang dinh sau.
A. max f (x) = f(-2). B. max f (x)= 1 (6).
C. max f (x)=max{f (-1), f (6)}. D. max f (%)= f (-1).

[-2;6]
Cau 173: Choham so f (X) c6 daoham 1a f '(X) .D06 thi ciaham s6 Yy = f'(X) cat OX tai cac diém co

hoanh &6 bang 0 va 2 nhw hinh vé bén dudi:

/

Bigt f(2)+f(4)=f(3)+ f(0).Gia tri nho nhat ctia f(x) trén [0;4]1a
A f(2). B. f(4). C. f(2). D. f(0).
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Cau 174: Cho ham s8 f (x) c6 daohamla f'(x). Db thi cia ham s6 y = f'(x) duoc cho nhu hinh vé

bén dudi:
r 3

Biét réng f(0)+ f (1)—2f(3)=f(5)- f (4). Tim gi4 tri nho nhat m va gid tri 16n nhat M
cua f ( ) trén doan [0;5].

A.m=f(5),M=f(3). B.m=f(5),M = f(1).
C.m=f(0),M=f(3). D. m=f(1),M = f(3).
Cau 175: Biét ham s6 y = mX +2 , (m la tham s6 thwc) thoa man r[Tll!?? y =1. Khang dinh nao dudi day
dung?
A. me(01). B. me(-10). C. me(12). D. me(-2;-1)

mx—1 . .
c6 gia tri nho nhét [0;3] bang %
m

Cau 176: Tim gia tri cia tham s6 m dé hamsd y =

A m=2. B. m=1. C.m=-2. D. Khong c6 m.
Cau 177: Bi€tham s8 f (x)=x*—3x" +3(m’ —2m+2)x+m (v6i M la tham s§) c6 gid tri 1on nhat trén
[—1; 1] bang 2. Khi d¢, tich cac gia tri ctia tham s& m la
A.§. B.g. C.E. D. 0.
3 3 2
Cau 178: Biét rdng gia tri nho nhat ctia ham s6 y = x° +(m2 + 1)x+ m? +12 trén doan [2,'8] bang 25.
Gid trj cua tham s8 m bang
A.m=43. B. m=+1. C.m=+£2. D. m=45.
Cau 179: Choham s6 f (x)=ax—(a-3)In (X2 + 3X) v6i a la tham s6 thuc. Biét rang néu

r[rll%i( f(x)=1f(2) thi r[r11|351 f (x) =m. Khang dinh nao sau day ding?

A. me(6;7). B. me(7;8). C. me(8,9). D. me(9;10).

IV. DAP AN BAI TAP TU LUYEN

Cau37: Chohamso y=f (X) xac dinh trén tap D. S6 M duoc goi 1a gid tri 16n nhét cia ham s6
y= f(X) trén D néu

A. f(X)SI\/l véimoi xeD.
B. f(X)>M véimoi xeD vatontai X, € D saocho f(x)=M.
C. f(X)<M véimoi xe D vaton tai X, € D saocho f(X)=M.
D f(X)ZI\/l véimoi Xe D

Cau 38: Tim gid tri 16n nhét cia ham s8 y = —x° +3x* +12trén doan [-3;1].
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Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

A. 66. B. 72. C. 10. D. 12.
Trén doan [—2 ;1] ham s8 y = x® +3x* —1 dat gia tri nho nhat tai diém nao dudi day?
A x=-2. B. x=0. C. x=1. D. x=-1.

3
o« A/, .7 . ’ A, N .7 . 2 N, 2 \ ~ x A (A \
Biét gia tri lon nhat va gia tri nho nhat cia ham s6 y = ? +2x% +3x—4 trén [—4; 0] Ian lwot la

M va m. Gid tri cia M +m bang

A. —i. B. ﬂ C. 4. D. —ﬁ.
3 3 3
Gia tri nho nhat ctia ham s8 y = x> —2x* —4x+5 trén doan [1;3]bang
A. 0. B. 2. C. 3. D. 3
Goi M, m Ian luwot la gid tri Ién nhét va gia tri nho nhat ciia ham s& f (x)= X—+i trén doan
X_
[3;5]. Khi d6 M —m béng
AL B. I C.2. p.3
2 2 8
Gia tri nho nhat cia ham s f (X) =x*-3x+2 trén doan [—3; 3] bé”mg
A. 4. B. 0. C. 20. D. -16.
Gia tri nhé nhat m caa ham s y = x° —7x* +11x -2 trén doan [0;2] 1a
A. m=-2 B. m=0 C. m=-3 D. m=11
Goi m la gid tri nhé nhat cia ham s6 y = 3x+1 trén doan [—1; 1] . Khi d6 ,gia tri caia m la
A.m=4. B. m=-4, C.m:g. D.m:—g.
3 3
Tim gia tri nho nhét ctia ham s6 y = x* - 3x* —9x + 5 trén doan [-2;2].
A. 3. B. -22. C. -1. D. -17.
Gi4 tri nhé nhat ctia ham s8 Y = X° —3x +1trén doan [—2 ; 0] bz?mg
A. 1. B. -2. C. -1. D. 3.
Gia tri nho nhat cia ham s8 y = X° +3x* —=9x +1trén doan [—4;4] 1a
A. 4. B. 4. C. 1. D. -1.

. w e 1 LA s A 2X+3
Goi M, m lan luot la gia tri 1on nhat va gia tri nho nhat cia ham s6 y =

trén doan
X+2

[-1;1]. Tinh M +2m.

A.g. B.§. Q.E. D.E.
3 3 3 3
N .7 . 4 A, B \ A 3X _1 A .
Tim gia tri 16n nhat ciaham s6 y = 3 trén doan [0, 2] .
A._—l. B. -5. C.5. Q.l.
3 3
2
Gié tri nho nhat cia ham s6 f (X) = X+—X;4 trén doan [0; 2] béng
X+
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A. 4. B. —5. C. 3. D.E.
3
Cau 52: Gia tri I6n nhat cia ham sd y = x+ trén doan [-4;-1]bang
A. 5. B. —EL. C. _@_ D. -9
2 5
A e 1o 1N a1y o X+4 . ) \
Cau 53: Gia tri nho nhat citaham s6 y = > trén doan [3, 4] la:
X -
A.7. B. -6. C.3. D. 4.
. e o X 43 ol
Cau 54: Gia tri nhé nhat cia ham s6 y = 1 trén doan [—4, —2] la
X+
A. miny=-7 B. min y——E C. miny=-8 D. miny=-6
) ' C 2] 3’ " 42 ' C 42 '
Cau 55: Tong gid tri 16n nhét va gid tri nho nhét ctia ham s§ f () = X" —2x* +2 trén [0;2] bang
A. 12. B. 11. C. 3. D. 20.
Cau56: Gid tri 16n nhat cia ham s§ y = x* +2x +1 trén doan [-11]
A. 4. B. 1. C.0. D. 5.
Cau 57: Gia tri nho nhat cia ham sd y = X—_:ll trén doan [0;3] la
X+
. 1
A. min y=-3. B. miny==. C. miny=-1. D. miny=1.
x€[0; 3] y x€[0; 3] y 2  x€[0; 3] y xe[0; 3] y

Cau 58: Cho ham s8 y=x’+3x*-9x+1. Tim gia tri 16n nhat M va gid tri nhé nhat m ctia ham s&
trén doan [0;4] 1a
A.M=28,m=-4. B.M=77;m=1. CM=77,m=-4. D.M=28;m=1.

Cau 59: Tim gia tri nho nhat cia ham s6 y = x 1 trén doan [1; 3].
X

A.9. B.2. C. v/28. D.O0.
Cau 60: Tim gia tri nho nhdt M ctia ham s§ y = X* = 7x* +11x—2 trén doan [0;2].
A. m=11 B. m=3 C.m=0 D. m=-2

Cau 61: Gi4 tri 16n nhAt ctia ham s8 f(X) =v2x—x* trén doan {0; g} bang

N

A. 0. B.7. C. 2. D.1
x* X .

Ciu 62: Hamso y= §+ 5 2x—1 c6 GTLN trén doan [0;2] bang

A. 0. E._—l. C. -1. D._—13.

3 6
X2 +4

Cau 63: Tim gia tri 16n nhat chkaham s6 Yy = trén doan [1; 3] )

A. maxy=4. B. maxy=5. C. maxyzg. D. maxyzg.

[L3] [L3] [13] 3 (3] 3
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Cau64: Hamso y= (4— x? )2 +1 co gia tri 16n nhat trén doan [—1;1] la
A.17. B. 10. C.12. D. 14.
Cau 65: Tim gia tri I6n nhat cia ham s6 y = x+ 9 trén [1;,9].
X

A. maxy=10. B. maxy=6. C. maxy=12. D. maxy=-6.

[1:9] [19] [19] [L9]

A . " et i s Ny e e , o o \ ~ 2x+1 .,
Cau 66: Goi M,m lan luot la gid tri 16n nhat, gia tri nho nhat cta ham s6 y:—2 trén doan

[3;7]. Tinh M —2m.
AL B. -11. C. 4. D. 4.

, . s ~ 2 1
Cau 67: Tim gid tri nhé nhat m ciiaham s y = x?+= trén doan {5;2} .
X

17

A. m=3. B. m=5. C. m:I. D. m=4.
Cau 68: Gia trj 16n nhét va gia tri nho nhét cia ham s§ f(x):1 82 + X trén doan [1,2] Tan luot la
+ZX
A. E,Z B. E,E C. E,Z D. @,E
3 2 3 5 3 2 5 2
Ciu 69: Gi4 tri nho nhét ctia ham s§ f (x)=—-x*+4x trén doan [-2;5] la
A. -12. B. 4. C. -4 D. 12.

Cau 70: Gia tri nho nhat cilaham s@ y =1+ X+ 4 trén doan [-3;-1] bang
X
A. 5. B. 4. C. 6. D. 5.

2

N o s A X" +3
Cau 71: Tim gia tri nhé nhat chiaham s6 y =

trén doan [2 , 4] )

. . 19 .
A. miny=-3. B. miny=—. C. min 6. D. mnhy=-2.
[2:4] y [2:4] y 3 = [2:4] y= [2:4] y

Cau72: Cho a,beR, O0<a<b, hamsd y=f(x) c6 dao ham trén R théaman f'(x)<0, Vxe(a;b).
Gia tri nho nhat ctia ham s6 da cho trén doan [a ; b] béng

A f(b). B. f[azbj. C. 1(a). D. £ (Jab).
. 1 o s -4 3 y
Cau 73: Gia tri 16n nhat ctia ham so f(X)z ” trén doan 5;4 bang

A, -2. B. 4. C. —%. D. -5.

Cau 74: Tim gia tri 16n nhat (max) va gia tri nho nhat (min) cia hamsé y = X + 1 trén doan {g ; 3} .
X

>
=

L
N | w

axy =
5

||
™
3
&
<
]

I;‘l y 5 . B;s}

iny=2. D.

;3

7

10 13 10
3

3
N w

3
16
C. maxy=—
y3

3

4

N\mB
N\wB
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2

, e X“+4 y
Cau 75: Gia tri nhé nhat ctia ham s f (x) = trén doan [1;4]bang
X
13
A. 24/2. B. 5. C. —. D. 4
3
/ \ ~ 2 A
Cau 76: Tim gid tri nhé nhat mctiaham sd y = x?+= trén doan {% : 2}.
X
17
A.m:Z B. m=10 C. m=5 D. m=3
A \ A X2_3X+3 . \ ‘A \ .7 c 17 A, \ . N > ~, >
Cau 77: Chohamso y= —1 Goi M va m lan luot la gid tri 1on nhat va gia tri nhé nhat ctia
ham s0 trén doan {—1; %} Tinh tich M -m.
A. -3. E.E. C.—i. D. 0.
2 2

Cau78: Goi M va m Ian luot la gid tri Ion nhat va gia tri nho nhat ctia ham s& f (X)=2x—4v/6-Xx

trén doan [-3;6]. Tong M +m c6 gia tri 1a

A. 6. B. -12. C. 4. D. 18.

Cau79: Goi M va mlan luot 12 gi4 tri 16n nhat va nho nhat ctia ham s8 y =+/5—x +~/x+3 . Hiéu
M—-m bmeg
A 4-22. B. 2. C.7-42. D. 8-542.

2
n . A \ .7 . ’ Y \ .7 . 2 A ? \ ~ X +
Cau 80: Goi M, mlan luot 1a gia tri 1on nhat va gia tri nho nhat cia ham s6 y =

S trén [—2;1].
Tinh T=M +2m.

A. T=—§. B. T =-10. C. T=—%. D. T=-14.
Cau 81: Tim tap gia tri cia ham sd y=+/Xx-1+~+9-X.
A.T=[L9]. B.T=[2/2;4]. CT=(19). D.T=[0; 242].
Cau 82:  Gié tri I6n nhét cia ham s6 y=+16—x> bing
A.16. B. 4. C.0. D. 1.
2
Cau 83: Gia tri nhé nhat cia ham s6 y = X o+l trén doan [% : 3} 1a
X
A. -3. B. —E. C. —E. D. 1.
3 2
2
Cau 84: Gia tri 1on nhdt chtaham s6 y = L)Y?) trén doan [—2; %} la
A. —Z. B. —E. C. 1. D. -3
2 3
Cau 85: Gia tri nho nhat cilaham s y = x + 9 trén doan [2; 4] la
X
. 25 . . 13
A. miny=6. B. miny=—. C. miny=-6. D. miny==—.
il ' a2 i e Y T2
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/, 2 .7z <17 A, ” N A 4 A N
Cau 86: Tich cta gid tri nho nhat va gia tri 1on nhét cia ham s6 f(X)=x+— trén doan [1;3] bang
X

A. 2 B. 20. C. 6. D. @
3 3
Cau 87: Tap gia tri ciaham so f (x) = X+g voi X € [2;4] la doan [a;b] .Tinh P=b-a.
X
A.P=§. B.P=l. C.P=§ D. P=6.
4 2 2

Cau 88: Gid tri nho nhét ctia ham s y = X* —3x+5 trén doan [2;4] 1a

A. r[g|4r]1y:3. B. r[2|4r]1y:7. C. Elﬂy:S. D. El;lﬂyzo.
Cau 89: Tim gid tri nho nhat cia ham s0 y = X +;' trén doan [-1;2].

A xgnJPZyzg E. xreTllany:_3 C. anJPZy:O D. xglllnzy:_‘l
Cau90: Tim gid tri nho nhat M cia ham sd y = x> —3x* trén [-1;1].

A.m=-4, B. m=0. C.m=-2. D. m=-5.
Cau 91: Tinh tong gia tri Ién nhat va nho nhat cia ham s6 f (x)=x* + 2 rén doan [% ; 2} :

X

A. 8. B.5. C. 4. D. 6.
Cau 92: Gid tri 16n nhat, gia tri nhoé nhat ctia ham s8 y = x++/1-x* Tan luot 1a

A. 21, B. V/2:1. C. N D. V2;1.
Cau93: Goi mva M Ian lwot 12 gia tri nho nhat va gia tri 16n nhat cia ham s6 y = x—+/4—x* . Khi d6

M —m bang

A. 4. B. 2-+2. C. 2(v2-1). D. 2(v2+1).
Ciau 94: Tim gia tri 16n nhat cia ham s6 y =2 trén doan [—1; 2] la

A.%. B. 4. C. 2. D. -1.
Cau 95: Gia tri 1on nhat ciaham sd y = e 5 trén doan [0; 3] )

A.5. B. ¢°. C. e. D. €.
Cau 96: Gia tri nho nhat ctia ham s6 f (X) =X.e" trén doan [—2 X —1] bang

Al B. -1 c. 2. D. - 2.

e (5] (S (S

Cau 97: Tim gia tri nho nhat M va gid tri 1on nhat M ctia ham s6 y = log, (X +1) trén doan [1; 7].

A.m=1LM=7. B. m=1M =8. C. m=1M =3. D. m=3;M =8.
Cau 98: Gia tri 16n nhat ctia ham s& y =(x— 2)2 £e* trén doan [1; 3] la

A. ¢’ B. e. C.0. D. e,
Cau99: Goi M, m Ian luot 1a gid tri 1on nhat va gia tri nho nhat caa ham s6 Y = x’e* trén doan

m

[-3,-1]. Tinh S =—.
M
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2
AS=2. B. S=—. c. s=2 D. 5=
4 e e 4
Cau 100: Gia tri nho nhat ctia ham s y =log,” x—4log, x+1 trén [1;8] bang
A. 2. B. 1. C. 3. D. 2.
Cau 101: Gia tri nho nhat cia ham s6 y = X —3In xtrén doan [1;6] bang
A. 1. B. 3-3In3. C. e. D. e-3.

Cau 102: Gia tri nho nhat, 16n nhat ciia ham s6 y = x—Inx trén doan B;e} theo thit ty 1a
A.lvae-1. B.%+|n2vé1 e-1. C.lvae. D. 1vaE +In2.

Cau 103: Ham sd y=Inx-In (x2 +1) dat gid tri 1on nhat trén doan {% X 2} tai diém nao dwdi day?

A. x=1. B.x=1. C.x=§. D.x=§.
2 2 4

Cau 104: Tim gi4 tri 1én nhat cia ham s8 f (x) =€ —2 trén doan [0;3].
A.e'-2. B. e?-2. C.e-2. D. e®-2.
Ciu 105: Tim gia tri 16n nhat cia ham s6 y = (X2 +1) Inx trén doan [1;6] .

A. maxy=e?+1. B. maxy=0. C. Khong ton tai. D. maxy=4e? 1.

[L:e] [1e] [Le]
Cau 106: Goi M, N Ian lwot 1a gia tri 16n nhat va gia tri nho nhat cia ham sd y = x*.e™* trén doan
[—1;1]. Tinh tong M +N .

A. M+N=3e. B.M+N=e. C.M+N=2e-1. D. M+N=2e+1.
Cau 107: Gid tri nho nhat caa ham s f (X) = x€* trén doan [-2;-1] bang

Al B. -1, c. 2. D.-2.

e e e e

Cau 108: Tim gia tri 16n nhat ctia ham s§ f (x) =" -2 trén [0;3].

A.e*-2. B.e’ -2. C.e-2. D.e’-2.
Cau 109: Gia tri 16n nhét cia ham s f (x)=(2x—3)e*trén [0;3]1a

A. max f (x)=¢’. B. max f (x)=5¢°. C. maxf(x)=4e’. D. max f(x)=3e°.

[0:3] [0:3] [0:3]

[0:3]

Cau 110: Gia tri 16n nhat ciaham s y = (2X —1)+ In (2X +l) trén doan [—%;O} béng

A. —g—InZ. B. -1. C.In2. D. 1+In3.
Cau 111: Gia tri 16n nhat ciahamsd y = X(2 —In X) trén doan [2' 3] la
A. maxy=e. B. maxy=6-3In3. C. maxy=4-2In2. D. maxy=1.
xe[2;3] xe[2;3] xe[2;3] xe[2;3]

Cau 112: Gid tri nho nhat ctia ham s§ y = xInx trén khoang (0;+) bang
A. e, B. €. C. -1. D. ™.

Cau 113: Cho ham s& f(x)z%ﬂnx Gia tri nho nhét cia ham s6 g(x) = 1 f'(x) 1a
X
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A. 3. B. 2. C. 1. D. Gia tri khac.
Cau 114: Tong gid tri 16n nhat va gia tri nho nhat cia ham s6 y = Inx trén doan {1 ; ez} la
X €
A.T:—e+£2. B.T:e—l. C.T:_—1+£2. Q.T:E—e.
€ € e e e
Cau 115: Tim gid tri 1on nhdt ctaham s6 y = (X2 +1) Inx trén doan [1;@] .
A. rHa])(y:e2 +1. B. n[’la]xy:O. C. Khéng ton tai. D. n[}a]xy:4e2 1.

Cau 116: Goi M, m lan luwot 1a gia tri 16n nhat, gia tri nho nhat cia ham sd y = (x—1)In x trén doan

F;e]Khi d6 M +m bang

e
- B. 1. C. e-1. p. &1,
e e e

Cau 117: Gia tri 16n nhat cia ham sd y =(X—2)2 e* trén [1; 3] bang

A.e. B. 0. C. e’. D. e*.
Cau 118: Gia tri nhé nhat cia ham s6 y = In(X2 —2x+1)—x trén doan [2;4] béng

A. 2. B. 2In3-4. C. -3. D. 2In2-3.
Cau 119: Gia tri 16n nhat M va gia tri nho nhat m chahamso y = x* —2In X trén [e’l;e] la

A. M=e’-2, m=e?+2. B. M=e?+2, m=1.

C. M=e?+1, m=1. D. M=e?-2, m=1.

Cau 120: Cho ham s6 f (x)=x*—x—Inx. Biét trén doan [1;e] ham s& c6 gia tri nho nhatla m, va ¢6
gia tri I6n nhatla M . Tinh M +m.

A. e’ —e+1. B. e’ —e-1. C.e’—e. D. 2e? —e+1.
Cau 121: Tim gia tri nho nhat cia ham s y = x.e” trén doan [1; 2].
1 e
A.e. B. 2¢°. C.—-. D. —.
e 2

Cau 122: Gia tri 16n nhat cia ham s f (X) = XIn X trén doan [2;3] bang
1
A. £(2). B. f(3). c f ) D. f(e).
Cau 123: Gia tri nho nhat chtaham s6 y = (2X —1) e* trén doan [—1; 0] béng
A. —§. B. —i. C. -1. D. e.
: %
Cau 124: Goi Mva M lan luot 1a cac gid tri nho nhat va gia tri 16n nhat ctia ham s§ f (x) =e* *trén

doan [0;2]. Dang thtrc nao dudi day dung?

A. M-m=e. B. m+M =1. C. m.Mziz. D. M=e2.
e m
Cau 125: Gia tri lén nhat chtaham sd Yy = X(2—|n X) trén doan [2;3] bfmg
A. 3. B. 6-3In3. C. 4-2In2. D. e.
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Cau 126: Goi a,blan luot la gid tri 16n nhat, gia tri nho nhat cia ham s6 y = x* +log, (2 - X)trén doan
[-2;0]. Tong a+b béng

A. 5. B. 0. C. 6. D. 7.
Céu 127: Tim gid tri 16n nhat y =e* + X trén doan [—2; 2].
A.e-2. B.e+2. C. e’ -2. D. e* +2.
Cau 128: Tim gia tri I6n nhat cia ham s6 y = X+ e? trén doan [O ;1] .
A. maxy=¢’. B. maxy=2e. C. maxy=1. D. maxy=e” +1.
xe[0;1] xe[0;1] xe[0;1] xe[0;1]
Cau 129: Gi4 tri nho nhét ctia ham s§ y = xe*trén [-2;0] bang
A. 0. B. —%. C. -e. D. —1.
(5] (S
Cau 130: Tim gia tri nho nhat cia ham s6 y = e** +2€* trén doan [0; 2] )
A. miny=2e*+2e*. B.miny=e*+2e*. C.miny=3. D. miny:i+g.
[0:2] [0:2] [0:2] [0:2] e’ e
4 3 . \ .7 . 7 A 2 Y ~ A 2
Cau 131: Chohamsg y=x° - > x> +1.Goi M 1a gia tri 1én nhat ctia ham s6 trén khoang (—25; %j .
Tim M .
A.M=1. B.le. C. M =0. M:&.
2 250
Cau 132: Tim gia tri nho nh&t ciaham s6 y = f (x) =4x" + 1 4ten khoang (0;+).
X
A. min f(x)=-1. B. minf(x)=-4. C. minf(x)=7. D. min f (x)=-3.
T (0j+) ( ) (0;+00) ( ) (0;+0) ( ) (05+00) ( )

Ciu 133: Tim gia tri nho nhat cia ham s6 y =x—-5+ 1 trén khoang (0; +oo).
X

A. miny=2. B. miny=-4. C. miny=-3. D. miny=-5.
(0:+00)y (O;+00)y [ (0;+oo)y (0;+oo)y

Cau 134: Gia tri nho nhat cia ham s8 y = x* + 2 véi x>0 bang
X

A. 4. B. 2. C.1
Cau 135: Gid tri 1on nhét ctia ham s8 y = x(1—x*) trén khoang (0;1) la

Al 5. L . 0. p. 28,

9 J3 9

Cau 136: Gid tri 16n nhat ctia ham s§ y = v—x® + 4x trén khoang (0;3) bing

A. 4. B. 2. C. 0. D. -2.

S
w

Cau 137: Gia tri 16n nhat cia ham s6 y = X+ il trén khoang (- ; 1) bang

A.5. B. -1. C.3. D. -3.

, . o 4 R . .
Cau 138: Goi m la gia tri nho nhat cia ham s6 y =X-1+ 1 trén khoang (1; +OO). Tim m.

A.m=2. B. m=5. C. m=3. D. m=4.
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Cau 139:

Cau 140:

Cau 141:

Cau 142:

Cau 143:

Cau 144:

Cau 145:

3x? —8x+6 _.

5 la
X —2x+1
A. 2. B. 1. C. -1. D. 2.

Gia tri nho nhét caa biéu thiic A=

14 .7 . 2 A 2 N\ ~ 4 A 2
Tinh gia tri nho nhat cia ham s6 y = X+— trén khoang (0; +oo).
X

A. miny=5. B. miny=4. C. miny=3. D. miny=8.
(0;+oo)y (0;+oo)y [ (0;+oo)y (0;+oo)y

Tim gia tri nhé nhat M ctia ham s8 y = x° +§ trén (0;+0).
X
A. m=443. B. m=23. C.m=4 D. m=2

Goi m la gia tri nho nhat cia ham s6 y = x -1+ il trén khoang (1;+0). Tim m.
X —_

A. m=5. B.m=4. C.m=2. D. m=3.
, . X2 —x+1
Gia tri nho nhat ciaham so y = 1 trén khoang (1;+) la
7
A. —g. B. 5. C. -1. D. 3.
Cho ham s8 y = f (x) lién tuc trén doan [-1;3] va c6 d6 thi nhu hinh bén dudi:
|-ll |
3 ________
2
: -1 2 +

Goi M va m Ian luot la gia tri 16n nhat va nho nhat cua ham s6 da cho trén doan [—1; 3] . Gia

tri cia M —m bang
A. 0. B. 1. C. 4. D. 5.

Chohamsd y=f (X) lién tuc trén doan [O; %} c6dothi y=f '(X) nhw hinh vé bén dudi:

Hamso y=f (X) dat gid tri 16n nhat trén doan [% : 3} tai diém X, nao dudi day?
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A.x,=0. B. X, =3. C. x, =1. QXO:%.
Cau 146: Cho ham so f(x) cO dao ham f’(x) = —x(x - 2)2 (x - 3) ,Vx eR. Gia tri 16n nhat cta ham so da
cho trén doan [O ;4] bﬁmg
A. £(0). B. £(2). C. f(3). D. f(4).
Cau 147: Cho ham s8 f (X) c6 daoham f'(x)=x(x-1)(x+2)’,¥x e R. Gi4 tri 16n nhét ctia ham s& da
cho trén doan [—2 ;1] béng
A. f(0). B. £(2). C. f(3). D. f(-2).
Ciu 148: Choham s§ y = f (x) lién tuc trén R va cé dao ham f'(x) :(X+1)(X—2)2 (x-1),vxeR.
Gid tri nho nhat cia ham so da cho trén [—1; +00) béng
A. f(1). B. £(2). C. f(3). D. f(-2).

Cau 149: Choham s y = f (x) lién tuc trén R va c6 bang xét dau dao ham nhu sau:

.rl_x -1 0 1 400
. H - 5§ % B =

’!
Y

Khang dinh nao sau day ding?

A. (rpfg() f(x)=f(1). B. ([g;i_r}) f(x)=f(-1).
C. r(r]f%( f(x)=f(0). D. (mm) f(x)=f(0).

Cau 150: Cho ham s8 y = f (x) c6 dao ham f'(x)= 2x—X—22, vx # 0. Gia tri nho nhat ctia ham so trén
(0;+) Ia
A f(1). B. £(3). c. 1(0). D. f(-2).

Cau 151: Chohamso y=f (X) c6 dao ham f (X) lién tuc trén R vahamso y=f (X) ¢ do thi trén
doan [—2; 3] nhu hinh vé bén dwdi:

)

Goi M 1a gia tri 16n nhat va m la gia tri nho nhat cua ham s6 y = f (X) trén doan [—2;3].
Khang dinh nao dudi day ding?
A M=f(-2);m=f(1). B. M = m )

C.M=f(1);m=f(-2). D. M = f (3);m= f (-2).
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Cau 152: Chohamso y=f (X) lién tuc va c6 bang bién thién trong doan [—1; 3] nhu hinh bén duwdi:

r |—1 () 2 3

v + 0 - 0 +
5

Tim gia tri nho nhadt M ctia hams6 y = f (X) trén doan [—l; 3].
A. m=f(0). B. m=f(2). C. m=f(-1). D. m= f(3).
Cau 153: Cho ham s8 Yy = f (X) lién tuc trén [-3;2] va cé bang bién thién nhu hinh duéi:

x| -3 0 1 2

Goi M, m Tan lugt 1a gid tri 16n nhat va gia tri nhé nhat cia ham s§ y = f (X) trén [—3; 2].

Tinh M —m.
A. 5. B. 7. C.6. D. 4.
Cau 154: Cho ham s y = f(x) c6 bang bién thién nhu sau:
X —o0 -1 0 1 +00
f'(x) -0 + 0 - 0+

£(x) %\_3/2\ 1 /+°°

Khang dinh nao sau day dung?

A. XEI[I_ll%?fS]f(x) = f(—S). B. xer[l_llg?fS]f(x) = f(—15).
C. xgr[{lgzs]f(x) =2. D. xgr[{llesa?fs]f(x) = f(—lO).
Cau 155: Cho ham s8 y = f(x) c6 bang bién thién nhu sau:
—o0 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

f9) +°°\A_3/'2\A1/'+°°

bat g(x)=3-4f(x). Khang dinh nao sau day dung?

A. xir[g{}]g(x) =15. B. xﬁlﬁ%{}]g(x) =-b. C. xir[g{}]g(x) =-15. D. ngf}?f]g(x) =-3.

Cau 156: Cho ham s& Y = f (X) c6 bang bién thién trén doan [-4;1] nhu sau:
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025
T —4 -2 0 |

f'(x) - 0 + 0

" 3\ / | \
0 9

Ménh dé nao sau day dang?
A. max f(x)=3, B. ml{]\ f(x)=—2. ¢ max f(x)=1, D. ?_‘lzi;[]] f(x)=0,

© 21

Cau 157: Cho ham s6 y = f (x) 1a ham s lién tuc trén R va c6 bang bién thién nhw hinh vé dudi day

X | - -1 0 1 4o
i - 0

TN

Khéng dinh nao sau day la khéng dinh dang?
A. mRinyzo. B. mﬂgxy=l. C. mRiny=3. D. mRaxy=4.

Cau 158: Cho ham sd y = f (X) c6 d6 thi nhw hinh vé bén. Goi M, N Ian luot 1a gia tri 16n nhat, gia tri
nho nhat cia ham s6 trén doan[-2;2]. Tinh gi4 tri biéu thite P=3M —2N .

A 2. B. 3. C. 5. D. 11.
Cau 159: Cho ham s y = f (X) c6 d6 thi nhu hinh vé sau

v

Gia tri 16n nhat cia ham sO da cho trén doan [—1; 2] bf?mg

L6p Toan thiy Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

A. -1 B. 2. C. 0. D. 4.
Cau 160: Cho ham so f (X) lién tuc trén [—1; 5] va co do thi trén doan [—1; 5] nhuw hinh vé bén dudi:

Tong gia tri 1on nhat va gia tri nho nhat ciia ham s6 f (X) trén doan [-1;5]bang
A. -1. B. 4. C. 1. D. 2
Cau 161: Cho ham s8 f (X)lién tuc trén doan [-3;2]va cé 6 thi nhu hinh vé bén dudi:

Goi M,mlan luot la gid tri 16n nhat va nho nhat ciia ham s8 da cho trén doan [-3;2]. Gia tri

cia M —mbang:
A. 4. B. 3. C. 5. D. 0.
Cau162: Chohams6 y=f X c6bangbién thién nhu sau

i A — {l 1 +0o0

iy -0 4+ 0 -

AN

Gi4 tri nho nhat ctia ham s8 da cho bang
A. 5. B. 1. C. 4. D. Khong ton tai.
Cau 163: Cho ham s6 y = f (x) c6 do thi trén doan [-2;4] nhu hinh vé bén dudi:

L6p Toan thiy Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 164:

Cau 165:

Cau 166:

Cau 167:

Y
o1 IEPERPOEY
|
Lo
| &
2 4
Tim {pzlﬂ f(x).
A -1 B. —4. C.2. D. -3
Cho ham s6 y = f (X) c6 db thi trén [-2;4] nhu hinh vé bén dudi:
/1N
/ H \\ ............................... B o \
‘ \ /1 =
/ 7 \\\\
.................................. + \\//- EPPRCIENNS. METRi Wsa, ~ 2
\ ,//
( I 3j |

Gia tri 16n nhat cua f (X) trén [—2;4] bang
A. 4. B. -1. C. 2. D. 3.
Cho ham s8 y = f (X) lién tuc trén doan [-2;2] va cé d6 thi nhw hinh v& bén dudi :

Y
_._....:ép._._&
/\
[ / | \\
! / |
! 1/ ) \\
I __‘L__l___
1 !
A\
's \[ 1 " e o
-2 -1 0 1 2 =

Goi M va m lan lwot 14 gia tri 16n nhét va gia tri nho nhat cua ham s6 da cho trén doan
[-2;2]. Gid tri cta M +m bang

A.0. B. 1. C. 4. D. 3.

Cho ham s da thtc y = f (X) c6 bang bién thién nhuw sau:

X 1 () | 2

LY M

Va4

Gia tri nho nhat ctia ham s6 g (x)= f (3cosx—1) bang

A. 23. B. 68. C. 1. D. -15.
Choham s6 y =g x c6 bang bién thién nhu hinh bén dwdi:

L6p Toan thiy Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Goi M, m Tan luot 1a gid tri 16n nhat va nho nhét cua ham s8 y =g (\/1+8sin2 X —2) . Tinh

M —m.
A M—m=2. B.M—m=1. C.M—-m=6. D. M—m=4.
Cau 168: Cho ham s3 y = f (x) lién tuc trén doan [-3;1] va c6 d6 thi nhw hinh bén dudi:

Xy

Tim gid tri ciia tham s& m d€ gid tri nho nhat cia ham s y = f (4|Sin 2022x| —3)— m bang 5.
A. m=-3. B. m=-7. C. m=1. D. m=-1.
Cau 169: Cho ham s8 Y = f(X) c6 bang bién thién nhu hinh vé sau:

—

Goi M,m lan lwot la gia tri 16n nhat, nho nhét cia ham sd trén doan [—2; 6] . Tinh

P=2M +m.
A.P=6. B.P=7. C. P=9. D. P=8.
Cau 170: Chohamso Yy = f(X) co bang xét dau dao ham nhu sau:

™ -1 ] 1 fog

i

_ H — 0 4 il -

Ménh d@é nao sau day dting?
A. min f(x)=f(0). B.maxf(x)=f(1). C. maxf(x)=f(0). D. (min)f(x)z f(-1).

(-1;+) (0;+0) (-11]
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 171: Cho ham s8 y = f (X) c6 d6 thi nhu hinh bén dudi:

\./

Goi MM lan lugt la gia tri nho nhat va gid tri 1on nhat ciaham sd y = f (—ZX) trén doan

[—1; %} Gia tri cua 2m+3M 1la

A.0. B. > C. 4. D. -8.

4
Cau 172: Chohamso y=f (X) cdédaoham y=f ’(X) lién tuc trén R va d06 thi cia ham s f '(X) trén

doan [-2;6] nhw hinh vé bén dudi:

-1
Tim khéang dinh ddng trong cac khang dinh sau.
A. max f(x)=f(-2). B. max f(x)=f(6).
C. max f (x)=max{f (-1), f (6)}. D. max f (x)=f(-1).

[-2;6]
Cau 173: Choham so f (X) c6 daoham 1a f '(X) .D06 thi ciaham s6 Yy = f'(X) cat OX tai cac diém co

hoanh &6 bang 0 va 2 nhw hinh vé bén dudi:

/

Bigt f(2)+f(4)=f(3)+ f(0).Gia tri nho nhat ctia f(x) trén [0;4]1a
A f(2). B. f(4). C. f(2). D. f(0).
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 174:

Cau 175:

Cau 176:

Cau 177:

Cau 178:

Cau 179:

Cho ham so f (X) cOdaohamla f '(X) . D06 thi chiaham s y = f '(X) dwoc cho nhw hinh vé
bén dudi:
4y

0 /\3\_/5/,5 X
Biét rang f (0)+ f (1)—2f(3)=f(5)— f(4). Tim gi4 tri nho nhat m va gid tri l1én nhat M
cua f ( ) trén doan [0;5].
A.m=f(5),M = f(3). B.m=f(5),M = f(1).
C.m=f(0),M:f(3). D. m=f(1),M = f(3).
Biét ham s0 y = mx +2 , (m 1a tham s& thuc) thoa man r[Tll!?? y =1. Khang dinh nao duéi day
dung?
A. me(01). B. me(-10). C. me(32). D. me(-2;-1)
Tim gia tri ca tham s6 M dé ham s6 y = mx _rr:ll- c6 gid tri nho nhét [0;3] bang %
A m=2. B. m=1. C. m=-2. D. Khong c6 m.
Bi€t ham s8 f (x)=x*—3x* +3(m’ —2m+2)x+m (v6i M la tham s§) 6 gid tri 1on nhat trén

[—1; 1] bang 2. Khi d¢, tich cac gia tri ctia tham s& m la
A.§. Eg C.E. D. 0.
3 3 2
Biét rang gia tri nho nhat ctia ham s8 y = x° + (m2 + 1)x +m? +12 trén doan [2,' 8] bang 25.
Gid trj cua tham s8 m bang
A.m=43. B. m=4+1. C. m=%2. D. m=45.

Cho ham s§ f (x)=ax—(a-3)In (X2 + 3X) véi a la tham s6 thuc. Biét rang néu
r[q%i( f(x)=1f(2) thi r[Tl1|351 f (x) =m. Khang dinh nao sau day ding?
A. me(6;7). B. me(7;8). C. me(8,9). D. me(9;10).

HET
Hug, 15h00” Ngdy 20 thing 5 nam 2024
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Trong qud trinh suu tdm va bién soan, néu tai liéu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y ciia
quy thay cd cung cdac em hoc sinh! Xin chan thanh cam on!
PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mét phwong dn.

Ciul. Chohamso y=f (X) xac dinh trén tap D. S6 M duoc goi 1a gia tri 16n nhat cua ham s6

y=f(x) trén D néu
X)<M véimoi xeD.

X)=M véimoi xe D vaton tai X, € D saocho f(X,)

M.
M

X)<M véimoi xe D vaton tai X, € D saocho f(X,)

X)>M véimoi XxeD.

o
—y
:7:/—\/-\

Cau2. Cho

Q
3
92]
O
<
I

f(x)lién tuc va cé do thi trén doan [—2;4] nhuw hinh vé bén dwdi:

"

U—f(ll

21

,)\/ \

Tong gid tri 1on nhat va nho nhat cia ham s6 y = f x) trén doan [-2;4 |bang
A. 5. B. 3. C. 2. D. 0.

Cau3. Gid tri 16n nhét cia ham s& f (x)=—x"+x* -9 trén doan [% ;15} bang

14 5 % c. 189 p. 14
50 4 16 16

Ciau4. Chohamsd f (x) lién tuc trén doan [—1 ;3:| va c6 d6 thi nhw hinh vé bén dudi:



Cau 5.

Cau 6.

Cau7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Gia tri 16n nhat ctia ham s6 y =g(x)= f(3|cos x| —1) bang
A. 3. B. 2. C. 1. D. 0.
Cho ham s6 bacba y = f(x) c6 d6 thi nhu hinh bén dudi:

Khéang dinh nao sau day ding?

A. r[{%f(x)zo. B. r[{11%>]<f(x)=1. C. I[{11%>]<f(x)=3. D. I[{llf?g)](f(x)=2.
Trén doan [0; 3] ,ham s8 y = —x*+3x dat gia trj 16n nhat tai diém nao dudi day?

A. x=0. B. x=3. C. x=1. D. x=2.

Mot chat diém chuyén dong theo phuong trinh S=—* +9¢* + 21t +9 trong d6 t tinh bang giay
(s) va S tinh bang mét (m). Tinh thoi diém #(s) ma tai d6 van tdc ctia chuyén dong dat gid tri

16n nhat.

A. t=4(s). B. t =5(s). C. t=3(s). D. t=7(s).
Gia tri nhoé nhat ciia ham s6 y = x+Inx trén [1; 62] béng

A.l+e. B. 2. C. 2¢%. D. 1.

. e e 1A LA it e e Lme s 2x+1
Goi M va m lan luot la gia tri 1on nhat va gia tri nho nhat cia ham s y = trén doan

[2;4]. Tinh M —m.

A. 3. B. 2. C. 4. D. 2.

Cho ham s8 y=f(x) ¢ f’(x):(xz—1)(x2—4x+3),VxeR Gia tri 16n nhét cua ham so
y=f(x) trén doan [-1;3] bang

A. £(0). B. f(-1). C. f(1). D. f(3).
Choham s6 y = f(x) c6 bang bién thién sau:
X 0 4 8
J'(x) + 0 _
16

Ham s8 y=f(x) c6 dat gia tri 1on nhat trén doan [0;8] 1a f(X)) tai X,. Khi d6, tong
X, + f(X,) bing



A. 64. B. 4. C. 0. D. 20.
Cau12. Choham so y= gt Goi M, m Ian luwot la gia tri 1on nhat va gia tri nho nhat cua ham s6
trén [0;2]. Khi d6, INnM +2Inm bang
i A. 2. B. 1. C. -3. D. -1.
PHAN II. CAu tric nghiém dang sai. Thi sinh trd loi tir cdu 1 dén cdu 4. Trong moi ya),b)c)do moi ciu,
thi sinh chon diing hodc sai (dién ddu X vao 6n chon)
Caul: Chohamsd f(x) cébangbién thién nhuw sau:

X —00 -1 0 1 +00
f'(x) — 0 + 0 — 0 +

£() m\_3/2\1/+00

Khang dinh Dung Sai
a) Ham s6 f(x) dong bién trén (—3;2).
b) Ham s6 co cuc dai b??mg 2.

C) min f(x)=1.

xeR

d) maxf(x):Z.

xeR

Cau2: Chohamsd f(x) cébangbién thién nhuw sau:

X —o0 -1 0 1 +00
0 0 + 0 —

W TN T

Khang dinh Dung Sai

a) maxf(x):S.

xeR

b) min f(x)=2.

xeR

C) max f (sinx)=5.

xeR

d) max f(sin x) =5.

xe[O;f
2

Cau3: Chohamsd y=+5-X+~/X+3.

Khéng dinh Dung Sai
a) y = -1 N 1 .
25-x  2x+3
b) | miny=2v2.
Q) max y = 4.
d) Phuong trinh 5—x+/Xx+3=5¢6 nghiém.




Cau4: Chohamsd f(x) cé dao ham f’(x)=—x(x—2)2(x—3),Vxe}R.

Khéng dinh Dung Sai
a) Ham sd cé ba diém cuc tri
b) min f(x)=f(0).

xe(—0;2)

c) max f (x)= f(3).

xe[0;4]

d) maxf(ex+e‘x): f(3).

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén ciu 6.

Cau 1: Goi M,m Ian luot la gid tri 16n nhat, gia tri nho nhat cua ham s6 y = Xv/16 - x* . Tinh M +m
Két qua: ]
Trinh bay:

Cau 2: Tim gid trj thuc cua tham s m &€ gid tri nhé nhat cta ham s8 y=-x*—3x*+m trén doan
[-11] bang 0.

Két qua: ]

Trinh bay:



Cau 3: Chohamsd y = f (x) lién tuc trén R va c6 bang bién thién nhu sau:

A — o0 1 3 + oo
iz + 0o - 0 +
0 m

f(z) - /' \‘_4 /'

Cé bao nhiéu gia tri nguyén cua M dé ham s6 c6 gia tri 16n nhat?

Két qua: ]

Trinh bay:

Cau 4: Trén mdt manh dat hinh vudng c6 dién tich 121 m? ngwoi ta dao mot cai ao nudi ca hinh tru
sao cho tam ctia hinh tron dy trung voi tam ctia manh dat. O gitta mép ao va mép manh dat
nguoi ta d€ lai mot khoang dat trong dé di lai, biét khoang cach nho nhat gitta mép ao va
mép manh datla x m . Gia st chiéu sdu cta ao ciing la x m (tham khao hinh vé bén dudi).

_— A
X B " \
X
’\.\‘1 X R

Tinh thé tich V 16n nhat ctia ao (quy tron dén hang phan chuc).

Kt quis E—
Trinh bay:



Cau 5: Cho do6 thi hamso y = e nhu hinh vé. ABCD la hinh chit nhat thay d6i sao cho B va Cluon
thudc d6 thi ham s da cho. AD nam trén truc hoanh (tham khao hinh vé)

u
- ”
# .
. ,
B ,
1 0 1 I

Tinh gia tri 16n nhat cta dién tich hinh cht nhat ABCD. (quy tron dén hang phan tram)

Két qui E—
Trinh bay:

Cau 6: Mot clra hang ban vai Thanh Ha véi gid ban méi kg 1a 50.000 dong. Véi gid ban nay thi ctra
hang chi ban dwgc khoang 25kg. Ctra hang nay du dinh giam gia ban, wéc tinh néu ctra hang
ct giam 4000 dong cho mot kg thi sd vai ban duwgc tang thém la 50kg. Xac dinh gia ban dé cta
hang d6 thu dwoc loi nhuéan 16n nhat, biét rang gia nhap vé ban dau mdi kg 1a 30.000 dong.
Két qui E—

Trinh bay:



HET
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Truong THPT Ding Huy Tr SDT: 0935.785.115 Facebook: Lé B4 Bao

116/04 Nguyén L6 Trach, TP Hué Trunﬁ tam Km10- Huong Tra — Hué

hoi, thi sinh chi chon mot phwong dn.

Cau 1.

Cau 2.

Cau 3.

Cho ham s6 y=f (X) xac dinh trén tap D. S6 M dugc goi 1a gia tri 16n nhat cua ham s6

y= f(x) trén D néu

A. T(X)<M véimoi xeD.

(x)
(X)>M véimoi xe D vatontai X, €D saocho f(x)=M
) M.

f
B. f
C. f(X <M véimoi xe D va tdn tai X, € D sao cho f(XO)
D. f(x)>M véimoi xeD.
h

Y

y x)

Q\/‘

Bdriviies

/

Tong gia tri 1on nh&t va nho nhat ctia ham s§ y = f(x) trén doan [-2;4 |bang
A. 5. B. 3. C. -2. D. 0.
Loi giai:

Quan sat hinh vé ta thay ax = 7; F}lﬁ =—4 nén téng bang 3.

Gié tri 16n nhat cia ham s6 f (x) =—x*+x*-9 trén doan [% ;15} bang

a1 5. 5. c 189 b, 141
50 4 16 16
Loi gigi:

o Cen A 1
Ham s0 xac dinh va lién tuc trén doan [E ;15}.

TRAC NGHIEM CHUYEN BE
Mon: To:an 12 - KNTT
GIA TRI LON NHAT VA GIA TRI NHO NHAT

Dinh hwéng cédu tric 2025

am s0 y = f(x)lién tuc va c6 d6 thi trén doan [—2;4] nhw hinh vé bén dudi:



Cau 4.

Cau 5.

Tacod f'(x)=—4x"+2xy =0 42’ +2x =0 | x=—~

Lai co y(%j:—% y(15):—50409; y(%]:—?’—g)—) max y:—ﬁ.

Cho ham sd f (x) lién tuc trén doan [—1 ;3:| va c6 do6 thi nhu hinh vé bén dudi:

/]

1

Gia tri 1o6n nhat cia ham s6 y = g(x) = f(3|cos x| —1) bang

A. 3. B. 2. C. 1. D. 0.
Loi gidi:
bat t= |cosx

Xét ham s& g(t)= f(3t—1) trén [0;1], ta co:

, vOi xe[—l;3]:>c053£cosx£1:>0£tsl.

e [3-1=0|¢=
+) g'(t)=3f"(3¢ 1)0@{&_1_2@{1}_

=W

1
+ g(0)=f(-1)=1, g(gjzf(O)zz, g(1)=f(2)=-2.
Vay gia tri 1on nhat can tim 1a 2.
Cho ham s6bacba y = f(x) c6 d6 thi nhu hinh bén dudi:

Khang dinh nao sau day dtng?

A. I[nle%(f(x)zo. B. I[naxf(x)zl. C. maxf(x)=3. D. maxf(x)=2.

-1;1]

Ta co: Vxe [—1;1] = f(x) € [—1;3].
Suy ra: Iﬁﬁ)}(f(x) =3 dat dwoc khi x=-1.



Cau 6.

Cau?7.

Cau 8.

Cau 9.

Cau 10.

Trén doan [0; 3] ,ham s y =—x*+3x dat gi4 tri 16n nhat tai diém nao duéi day?

A. x=0. B. x=3. C. x=1. D. x=2.
Loi giai:
Tacéd: y=f(x)=-x"+3x= f'(x)=-3x"+3
' x=1
f(x):Oc[X:_lg[o;?’].

Taco f(0)=0; f(1)=2; f(3)=-18.

Vay ham s8 y =-x*+3x dat gid tri 16n nhat tai diém x=1.

Mot chat diém chuyén dong theo phuong trinh S=—* +9¢* + 21t +9 trong d6 t tinh bang giay
(s) va S tinh bang mét (m). Tinh thoi diém #(s) ma tai d6 van tdc ctia chuyén dong dat gia tri
16n nhat.

A. t=4(s). B. t=5(s). C. t=3(s). D. t=7(s).

Loi gidi:

Van tdoc V =5'=-3t> +18t +21 = -3(t —3)* +48 <48.. Vay maxV =48 khi t=3.

Van t6c chuyén dong dat gia tri 16n nhat khi =3 (s).
Gia tri nhé nhat ciia ham s6 y = x+Inx trén [1; 62] béng
A. l+e. B. 2. C. 2¢*.
Loi gidi:

Xét ham so trén doan [1; e? ]

=

Ta ¢ y’=1+1:> y'>0,VXE[1;92].
X
Khi d6: {m? y=y(1)=1.
1;e?

. C o T M N it e a1 s 2x+1
Goi M va m lan luot la gia tri 1on nhat va gia tri nho nhat cia ham s y =

trén doan

[2;4]. Tinh M —m.

A. 3. B. -2. C. 4. D. 2.
Loi gidi:
Taco: y' = > <0,Vxe[2;4].

(x-1)
Suy ra: mzrlg;i‘lr]lyz y(4)=3va M =maxy = y(2)=5.
Vay M -m=5-3=2.
Cho ham s8 y=f(x) ¢ f’(x)z(x2—1)(x2—4x+3),VxeR Gia tri 1on nhat cta ham sd
y=f(x) trén doan [-1;3] bang

A. £(0). B. f(-1). C. f(1). D. £(3).
Loi gigi:

x=-1
Tacéd: f'(x)=0e|x=1 .

x=3

Bang xét dau:



Cau 11.

Cau 12.

X —o0 -1 1 3 +00

f'(x) + 0 - 0 - 0 4
f(x) / \\ /

Choham s y = f(x) co bang bién thién sau:
0 4 8

X
J'(x) + 0 —
16
f(.‘-'f) / \
0 0
Ham s8 y=f(x) c6 dat gid tri 16n nhat trén doan [0;8] 1a f(x,) tai X,. Khi d6, tong
x, + f(x,) bang

A. 64. B. 4. C. 0. D. 20.

Loi gidi:

Dua vao bang bién thién, ta ¢6 ham s& dat gid tri 16n nhatla f (XO) =16 tai X, =4.

Neén x,+ f(x,)=16+4=20.

Cho ham s0 y = g3, Goi M, m Tan luwot la gia tri 16n nhat va gia tri nho nhat cua ham s6
trén [0;2]. Khi d6, INnM +2Inm bang

A 2. B. 1. C. -3. D. -1.

Loi gidi:

Xét ham sd trén doan [0;2].

Tacd: y=e"3=y' = exz*zx’s.(Zx +2); y'=0=x=-1¢[0;2].

Tacéd: f(0)= el f (2) S

Suyra: M =e¢’m=e>=InM +2Inm=-1.

PHAN II. Cau tric nghiém dang sai. Thi sinh trd loi tir cdu 1 dén cdu 4. Trong moi ya),b)c)do mdi cdu,
thi sinh chon diing hodc sai (dién dau X vao on chon)

Caul:

Cho ham s8 f(x) c6 bang bién thién nhu sau:

x —o0 -1 0 1 +00
f'(x) - 0 + 0 - 0 +

£() m\_3/2\1/+00

Khang dinh Dung Sai
a) Ham s6 f(x) dong bién trén (-3;2).
b) Ham s6 ¢o cuc dai béng 2.

C) minf(x):l.

xeR

d) max f(x)=2.

xeR




Cau 2:

Cau 3:

e 2.

Loi giai:

| &S | b)bung | ¢) Sai d) Sai
a) Ham so f(x) ddng bién trén (—1;0) va (1;+oo).
C) rileanf(x) = f(—l) =-3.
d) Trén R, ham s6 khong co gia tri 16n nhat.
Cho ham s8 f(x) c6 bang bién thién nhu sau:
x —0 -1 0 1 +00
£(x) S 0 - 0 0 -

W TN T

Khang dinh Dung Sai
D | maxflx)=5
b) r£1€1Rn f ( )
C) max f (sm x)
d) max f (sin x) =5.
xe 0%
Loi gigi:
‘ a) bung ‘ b) Sai | c) bung d) Sai
b) Trén R, ham s6 khong co gia tri nho nhat.
c) Taco: VxeR:sinxe [—1;1]—>r£1€%xf(sinx) =5.
d) Ta co: Vxe {O 721 sinx e [O 1]—) nfax}f(smx) 3.
xe| 0;=
2
Choham s& y =+/5—X++/Xx+3.
Khang dinh Dung Sai
a) y = -1 N 1
25-x  2/x+3
b) min y = 24/2.
Q) max y =4.
d) | Phuong trinh /5—X ++/x+3 =5 cé nghiém.
Loi gidgi:
‘ a) bung ‘ b) Bung | c) biang d) Sai ‘

Ta cé: D=[-35].

1 1 _Oc{m:m

Tacod: y' = + =
Y T2 x  2dx+3 e(-3;5)

——x=1e(-3;5).




V2 V2 m = min,y =22
Ta cé: y(5)=22;y(-3)=2V/2;:y(1)=4= .
aco: y(5) y(-3) y(2) M = mex, v =4

xe[-35]
Cau4: Chohamsd f(x) c6 daoham f'(x)=—x(x- 2)2 (x-3),vxeR.
Khéng dinh Dung Sai
a) Ham sd cé ba diém cuc tri
b) Xe(nirjz) f(x)=f(0).
c) gﬁg}iﬁf(x):f@).
d) | max f(e*+e)=f(3).
Loi gidi:
‘ a) Sai ‘ b) Bung | c) bung ‘ d) bang
x=0
Ta co f’(x)z—x(x—2)2(x—3)=0<:> x=2.
x=3
BBT:
X —0 0 2 3 +o0
f'(x) - 0

0 + 0 _
+o0 /v
)| N \
/ -
T bang bién thién ta thdy gid tri 16n nhat cia ham s§ f(x) trén doan [0;4] 1a £(3).

d) Tacd: e' +e* 22ye* ™ :2——>maxf(€x +€7x):f(3)-

PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dén cdu 6.

Cau 1: Goi M,m Ian lwot la gia tri 16n nhat, gia tri nhé nhat ctia ham s8 y = x4/16 —x* . Tinh M +m

Két qua: II\



Loi giai:
biéu kién xac dinh -4 < x < x.
Paoham y =16 - X _16-2X" 16 ox? =0 x=+48.
J16-x* 16— X
Taco y(-4)=y(4)=0; y(—\/§) =-8; y(\/§) =8.
Do dé: M =8,m=-8.Vay M+m=0.
Cau 2: Tim gia tri thyc cua tham s m d€ gid tri nhé nhat ctia ham s8 y=-x*—3x*+m trén doan
[-L1] béng 0.
Két qua: m=4
Trinh bay:

Loi gidi:
Xét ham s8 y =—x’—3x* +m trén doan [-1;1].
2 x=0 (n)
Tacd: y=-3x"-6x; y=0=
x=-2 (1)

Tacéd: f(0)=m, f(-1)=m-2, f (1):m—4:>mi;lr]1y: f(l)=m-4.

Dodé m-4=0<m=4.
Cau 3: Chohamsd y= f (x) lién tuc trén R va c6 bang bién thién nhu sau:

b A — o0 1 3 + oo
fiiz) + 0 - 0 +
0 m

e N

Cé bao nhiéu gia tri nguyén caa M d€ ham s cd gia tri 16n nhat?

Két qua:

Trinh bay:




Loi gidi:
Ham s6 c6 gia tri lon nhdt < —4<m<0

VimeZ=me{-3,-2;-10}.
Vay co 4 gia tri nguyén ctia M dé ham s6 c6 gia tri 16n nhat.

Cau 4: Trén moét manh dat hinh vudng co6 dién tich 121 m? ngroi ta dao moét cdi ao nudi ca hinh tru
sao cho tdm ctia hinh tron ddy trung véi tam ctia manh dat. O gitta mép ao va mép manh dat
nguoi ta dé€ lai mot khoang dat trong dé di lai, biét khoang cach nhd nhét gitta mép ao va
mép manh datla x m . Gia st chiéu sau ctia ao ciing la X m (tham khao hinh vé bén duéi).

o= A
| ey — RS \
X
~— l v -

Tinh thé tich V 16n nhat ctia ao (quy tron dén hang phan chuc).

Két qua: ‘ 77,4
Trinh bay:




Loi giai:
Do manh dét hinh vudng c6 dién tich 121m? nén canh hinh vuong la 11m

(11-2x)

Goiban kinh aola R= (m) va chiéu cao cua aola h= x(m) vii 0< X<%L

Khi d6 thé tich aola V = % x(11-2x)*

Xét ham sé’V(x):%x(ll—Zx)z 0< x<1—21

Suy ra V'(X) =%(11—2x)(11—6x),0 <X <1—21

V'(x)=%(11—2x)(11—6x)=0:>x=%,0< x<1—21

Bang bién thién caa V (X) ,0< X <%

. |3 11 11
6 2
Vix) } 0
1331
54
Vix)
N e A i/ , o . 1331 3
Tt bang bién thién ttich V 1én nhdt ctaaola V = Hﬂ' ~ 717, 4(m )

Cau 5: Cho db thi ham s6 y = e nhu hinh vé. ABCD 1a hinh chit nhat thay déi sao cho B va C ludn
thude d6 thi ham s& da cho. AD ndm trén truc hoanh (tham khao hinh vé)



u
- iy [
/// ™
I .,
A 0 o E

Tinh gia tri 16n nhat cta dién tich hinh cht nhat ABCD. (quy tron dén hang phan tram)

Két qua: 0,86 |
Trinh bay:

Loi gidi:
P ? . A2 _x2 7 .
Gia str diém C(X;e X )vm x>0.

Dién tich cua hinh chit nhat ABCD1a f (x)=2xe™ .
Taco f'(x)=2e" —4x’e™ =2¢™ (1-2¢*).
f'(x)=0 :x:%.

Bang bién thién



I 0

SRS

Vay maxs$S = ﬁ ~0,86.

e

Cau 6: Mot clra hang ban vai Thanh Ha véi gia ban moi kg 1a 50.000 dong. Véi gid ban nay thi cta
hang chi ban duoc khoang 25kg. Ctra hang nay du dinh giam gia ban, wdc tinh néu ctta hang
ct giam 4000 dong cho mot kg thi s6 vai ban duoc tang thém la 50kg. Xac dinh gia ban dé€ ctra
hang d6 thu duoc loi nhuan 16n nhat, biét rang gia nhap vé ban dau méi kg 1a 30.000 dong.
Két qua: ]

Trinh bay:
Loi giai:
Goi n la s6lan giam gia (neN,0<n<5).
+) Gid ban sau n lan giam gia la 50 —4n (nghin dong)
+) S6 vai ban dugc sau n lan giam gia la 25+ 50n
Tong tien 1ai twong tng la: L(n)=(50—-4n)(25+50n)-30(25+50n) (nghin dong)
Khao sat ham s6 L(n) trén [0,-5]—%% L(n)=L(2)=1500 (nghin dong).
Vay gid ban moi can vai la 42000 déong thi ctra hang thu duoc loi nhuan 16n nhat.
HET
Hué, 14h00’ Ngdy 04 thang 5 nam 2024
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Trong qud trinh suu tdm va bién soan, néu tai liéu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y ciia
quy thay cd cung cdc em hoc sinh! Xin chan thanh cam on!

PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Caul.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cho ham s6 y=f (X) lién tuc trén R thdéa man gid tri 16n nhat ctia ham sd trén R la 2025.

Khang dinh nao sau day ding?

A. f(x)<2025VxeR. B. f(x)<2025VxeR,3x,: f(x,)=2025.
C. f(x)>2025vxeR. D. f(x)>2025vxeR,3x,: f(X,)=2025.
Gia tri 16n nhat ham s6 y=x>-3x+1 trén [0;1] béng

A. 1. B. 2. C. 0. D. -1.

Sau khi phat hién ra dich bénh Covid-19, cac chuyén gia WHO wdc tinh s& nguoi nhiém bénh
k€ tir khi xuét hién bénh nhan dau tién dén ngay thit ¢ 1a f(t)=15t*—+. Ta xem f'(t) la tdc
do truyén bénh (nguoi/ngay) tai thoi di€ém ¢t . Téc do truyén bénh s€ 16n nhét vao ngay thw
bao nhiéu?

A.Ngay thit 5. B.Ngay tht 10.  C.Ngayth@ 25.  D.Ngay thi 20.
Gia tri 16n nhat ham sd y = 2x+1 trén [0;2] béng
x+1
Al B. 2. C. 0. D. g
Cho ham s6 y = f(x) c6 bang bién thién nhuw sau:
X —0 -1 0 1 +00
f ( x) - 0 + 0 + 0 -

£(x) \_2/0 __— \w

Dat g(x)= f(cosx). Khing dinh nao sau day dung?

A. ming(x)zl. B. ming(x)=—2. C. ming(x)z—l. D. ming(x)zo.
) ) )

Cho ham s8 f(x) c6 dao ham f'(x)=-x(x-2) (x~3),VxeR. Gia tri 16n nh4t ctia ham s& da

cho trén doan [0;4] bing

A. f(0). B. f(2). C. f(3). D. f(4).




Cau’7.

Gid tri nho nhét ctia ham s6 Yy = X' —2X* + 2 trén doan [0;2] la

A-miny=0.  B.mny=2.  Comny=-l D miny-l

Cau8. Choham sd y= f(x) xac dinh va lién tuc trén R ¢6 d6 thi nhu hinh vé bén dwéi:
vk

B 1

Goi M va m lan lwot la gid tri 16n nhat va nho nhat cia ham s6 y = f(-sinx+1). Gid tri cua

M -m bang
A. 0. B. 1. C.4. D. 5.
Cau9. Trén doan [l 5] ham s y =X +g dat gid tri nho nhat tai diém nao dudi day?
A. x=5. B. x=09. C. x=1. D. x=3.
Cau10. Tim gia tri cua tham s6 m dé€ ham s6 y=-x’-3x*+m co gia tri nho nhat trén doan [—1;1]
bang 0.
A . m=6. B. m=0. C.m=2. D. m=4.
Caull. Chohamso y=f ( ) xac dinh, lién tuc trén R va c6 bang bién thién nhu sau
1 X 0 1 +C
Y t () () 4
1 <

Ménh dé nao dudi day sai?
A. max f (x)=1. B. min f
) (05+0)
e Zla
2

Cau 12. Gié tri 16n nhat cia ham sd y =€”.cosX trén {O,

(x)=-1. C. max f

INEY

w
mM

AL B. Ze. 3 iy
) 2
PHAN II. Cau trac nghiém dung sai. Thi sinh trd 10i tir cdu 1 den cau 4. Trong moi y a), b), c), d) 0 moi ciu

thi sinh chon ding hodc sai (dién dau X vao on chon)

Caul: Choham s§ f(x) c6 bang bién thién nhu sau:
X —0 -1 0 1 400
f’(x) - 0 + 0 - 0 +
+00 +00
WS T T
Khang dinh Ding Sai
a) Ham s6 f(x) cd ba diém cyc tri.

b) mmf( ) -1.

xeR




c) min f(x) 2.

xe —ooO

4| max f(x)=£(0)

Cau2: Chohamsd f (x) 1én tuc trén doan [—1;3] va cé do thi nhu hinh vé sau:

Ay

Khang dinh Dung Sai
a) Ham s6 f(x) dat cuc tiéu tai x =2.
P) | apinflx)=—2
c) xrel[l%]f( )=£(3).

d) maxf(3sm xX— 1) 2.

xeR

Cau3: Chohamso f (X) =Sin X +CoS2X.

Khang dinh Dung Sai
a) f (x)=-2sin* x+sin x+1.
b) max_f (x):g.
xe[0;7] 8
C min f (x)=1
) Xe[O;;z] ( )

d) Phwong trinh sinx+cos2x=0 c6 2 nghiém trén

[0;7[].

Cau4d: Mot chat diém chuyén dong theo phuwong trinh S =+ +9¢* + 21t +9 trong d6 ¢ tinh bang giay

(s) va S tinh b??mg mét (m).
Khang dinh Dung Sai

a) | o(t)=S'(t)=-3t"+18t+21

b) Van toc cua chat diém tai gidy thit 2 la 45m /.

Q) Van tdc cta chat diém tai thoi diém gia toc triét tiéu la
45m/s.

d) Van t6c chuyén dong dat gia tri 16n nhat khi t =3 (s).

PHAN III. Cau tric nghiém tra 10i ngin. Thi sinh tré Ioi tie cdu 1 déh ciu 6,
’, A2 .7 . > A~ \ .7 .« 17 A~ ” \ ~ A l M
Cau 1: Biét tong gia tri nho nhat va gid tri 16n nhat cia ham s& y =X-InXx trén doan {E;e} bang

a+be,(a;beQ). Tinh a+b.
Ket qui: ]
Trinh bay:



Cau 2: Biét gid tri nho nhat ctia ham s8 f (X)=5(x/x—3+\/5—X)+\/(X—3)(5—X)—2 1a s8 c6 dang
Ja+b véi a,beZ. Tinh a+b.

Két qua: ]

Trinh bay:

Cau 3: Chohamso f (X) c6 dao ham 1a f'(X) . D6 thi cia ham s6 y = f'(X) cit OX tai cac diém cd
hoanh d6 bang x =0;x =2 nhu hinh vé bén dudi:

Ay

Biét f(2)+ f(4)=f(3)+ f(0) vagia tri nho nhat caa f(x) trén [0;4] 1a f(m). Tim m.
Két qua: ]
Trinh bay:



Cau 4 Choham sd y= f (x) lién tuc trén doan [-3;1] va c6 d6 thi nhw hinh bén dudi:

A
4
y)
1
1 x
------- 1.2

Tim gia tri ciia tham s6 m dé€ gia tri nho nhat chtaham s y = f (4|sin 2022x| —3) —m bang 5.

Két qua: ]
Trinh bay:

Cau 5: Mot chédt diém chuyén dong c6 phuong trinh van t8c la v(t)=e+e" 2 (m/s)(t: gidy la thoi
gian chuyén dong). Hoi trong khoang thoi gian 10gidy dau tién, van toc nho nhat cua chat
diém la bao nhiéu? (tinh gin diing dén hang phin tram).

Két qua: ]
Trinh bay:



Cau 6: Trén manh dat hinh chit nhat ABCD c6 dién tich 25m?, nguoi chu 1dy mot phan dat dé trong
co. Biét phan dat trong co nay c6 dang hinh ch nhat v6i hai dinh d6i diénla A va H, véi
H thudc canh BD. Hoi sO tién 16n nhat nguoi cht can chuan bi dé trong co la khoang bao

nhiéu, véi chi phi trong co 1a 70.000 dong /m? ?

A

Két qua:
Trinh bay:

dat trong co

D

HET

Hué, 14h00’ Ngdy 04 thdang 5 nam 2024
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PHAN I. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cho ham s6 y=f (X) lién tuc trén R thdéa man gid tri 16n nhat cta ham so trén R la 2025.
Khang dinh nao sau day ding?

A. f(x)<2025VxeR. B. f(x)<2025 vxeR,3x,: f(x,)=2025.
C. f(x)>2025vxeR. D. f(x)>2025vxeR,3x,: f(X,)=2025.
Loi gidi:

Hamso y=f (X) lién tuc trén R théa man gia tri 16n nhat cia ham sé trén R 1a 2025. Khi d6
f (x) <2025, vxeR,3x,: f(x,)=2025.
Gia tri 16n nhat ham s6 y=x-3x+1 trén [0;1] béng

A. 1. B. 2. C. 0. D. 1.
Loi gidi:
Xét ham s& y=x°—3x+1 trén [0;1].

x=1€[0;1]

Tacd: y'=3x*-3=0 .
aco: y' =3x & x=—1e[0;1]
Ta cd: y(0)=1y(1)=-1.

Vay maxf( ) 1 dat duwockhi x=0.

xe 0; 1
Sau khi phat hién ra dich bénh Covid-19, cac chuyén gia WHO wdc tinh s& nguoi nhiém bénh
k€ tir khi xuét hién bénh nhan déau tién dén ngay th t la f(t)=15t*—#. Ta xem f'(t) la tdc
do6 truyén bénh (nguoi/ngay) tai thoi diém . Toc do truyén bénh sé 16n nhat vao ngay thi
bao nhiéu?
A.Ngay thtt 5. B. Ngay thtt 10. C. Ngay tha 25. D. Ngay tht 20.
Loi gigi:
Tacéd: f(t)=158 1 f'(t)=30t-3t* =—3(t-5) +75<75.Suy ra f'(t) =75&t=5.

Gia tri 16n nhat ham sd y = 2;:11 trén [0;2] bé”mg

A. 1. B. 2. C. 0. D. g
Loi gigi:

Xét ham s6 y = én [0;2].



Cau 5.

Cau 6.

Cau7.

Tacé: y'= >O,Vxe[0;2:|.

2

x+1)

Vay max f(x) =§ dat dwoc khi x =2.

xe[O;Z]

Cho ham s8 y = f(x) c6 bang bién thién nhw sau:

X | o @ =1 0 1 +o0
O

£(x) \_2/0 P \oo

Dt g(x)= f(cosx). Khing dinh nao sau day dung?
)

A. ming(x =1. B. ming(x)z—Z. C. ming(x)z—l. D. ming(x)zo.
& & & &
Loi giai:

Ta céd: Vxe {O;%} 1COSX € [0;1]—>r{nir}1g(x) = r[r(}llljxf(t) =0.
O;ﬁ i

Cho ham sO f(x) c6 dao ham f’(x) = —x(x —2)2 (x— 3) ,Vx eR. Gid tri 16n nhat ciia ham so6 da
cho trén doan [0 ;4] bé“mg

A. f(0). B. f(2). C. f(3). D. f(4).
Loi gidi:
x=0
Ta co f’(x)z—x(x—2)2(x—3)=0<:> x=2.
x=3
Bang bién thién cia ham s8 y = f(x) trén doan [0;4]:
x |0 2 3 4
flx) | o + 0 , 0 -
| fla)— 10
flx) _r{n/ e \"M

Tt bang bién thién ta thdy gid tri 16n nhat cia ham s§ f(x) trén doan [0;4] 1a £(3).
Gid tri nho nhét ctia ham s8 y = X' —2x* +2 trén doan [0;2] la

A. Xrl?g;rzl]yzo. B. sz[]gg]yzz. C. Xrgg;r;]y:—l. D. Xrlgg;r;]y=1.
Loi gigi:
Xét ham s6 Yy = X' —2x* + 2 lién tuc trén doan [0;2].
x=0¢€[0;2]
Taco y' =4x*-4x; y'=0<| x=-1¢[0;2].
x=1€[0;2]

Tacéd: y(1)=1 y(0)=2; y(2)=10 = min y=1.

xe[0;2]



Cau8. Choham sd y= f(x) xac dinh va lién tuc trén R c6 d6 thi nhu hinh vé bén dudi:

Goi M va m lan luot 1a gid tri 16n nhat va nho nhat cia ham s6 y = f (—sinx+ 1). Gi tri ctua
M -m bang
A. 0. B. 1. C.4. D. 5.
Loi gidi:
bat t=-sinx+1 vi -1<sinx<1=t€[0;2].
Xétham s@ y = f(t) vdi te [0;2], ttr d6 thi da cho, ta co:
MZ%gf(f(f)=f(O)=2;1}g£?f(t) =f(2)=2=>M-m=4.
Cau9. Trén doan [l; 5], ham s y =X +g dat gid tri nho nhat tai diém nao dudi day?
X
A. x=5. B. x=09. C. x=1. D. x=3.
Loi gidi:
Ta co: y’:l—%, y'=0& x=43.
X
7 A . 34
Xét trén doan [1;5]: y(1)=10;y(3)=6;y(5) = <
Suy ra trén doan [l; 5], ham sd y=x+ i dat gia tri nho nhat bang 6 tai diém x =3.
X

Cau10. Tim gi tri cua tham s6 m d€ ham s§ y=-x"-3x" +m o gia tri nho nhét trén doan [-1;1]

bang 0.
A.m=6. B. m=0. C.m=2. D. m=4.
Loi giai:
, ) x=06[—1;1:|
Taco y'=-3x"-6x. y=0< .
x=-2¢[-1;1]

y(—l)zm—Z; y(O)zm; y(l)zm—4.
m—4. Theo dé: r[{xli{]ly=0<:>m—4=0<:>m=4.
)

Do do6 r[r}lllrjly = y(l)
Cau1l. Chohamsd y= f(x) xdc dinh, lién tuc trén R va c6 bang bién thién nhu sau:

I X 0 1 +X

Yy + 0 = 0

}
0

b | g T

Ménh dé nao dudi day sai?
A. max f (x)=1. B. min f(x)=-1.

(1) (0:+0)



C. max f(x)=f(-1). D. min f (x)=f(2).

(==31) [2;400)
Loi giai:
Ta c6: max f (x)=f(0). Vay khang dinh C sai.

(=ei1)

A .7 . 14 AN, 2 \ ~N A 7T \
Cau 12. Gié tri 16n nhat cia ham s6 y =€”.cosX trén {0; E la

17 £

A. 1. B. —.esd.
2

mM
am

Loi gidi:
Taco y=e".cosx =y’ =e".cosx—e*sinx =e*(cosx—sinx).

y’:0:>cosx—sinx=0<:>sin(x—%j:0<:>x—%:kzr@x:%Jrk;z,keZ.

Trén O;Z , ta dwoc X:Z
2 4

5 il
Khi d6 y(0)=1; y(zj =0; y(zj = £.e4 . Vay maxy = £ 4,
PHAN II. CAu tric nghiém dtng sai. Thi sinh trd 10i tir cdu 1 déh cdu 4. Trong mbi  a), b), c), d) & mébi cu,
thi sinh chon diing hodc sai (dién ddu X vao on chon)
Caul: Chohamsd f(x) cébangbién thién nhuw sau:

x —0 -1 0 1 400
f’(x) — 0 + 0 — 0 +
+00 5 +00
f(x) \ , / \ ) /
Khang dinh Dung Sai
a) Ham 6 f (x) co ba diém cuc tri.
b) man f ( ) -1.
)| min flx)=2
d) xrex[lapf] (x) = f(O)
Loi gidi:
‘ a) bang ‘ b) DBung | c) bung | d) bang ‘

d) Ta cé: ngﬁ?f]f(x) =5= f(O).

Cau2: Chohamsd f (x) lén tuc trén doan [—1;3] va co d6 thi nhw hinh vé sau:



Khéng dinh Dung Sai

a) Ham s6 f(x) dat cyc tiéu tai x=2.
b) xﬁ?—il]g] (x)=-2
©) | maxf(x)= ( )
d) maxf(?)sin2 x—l) =2.
Loi giai:
’ a) bung ’ b) bung | c) bung ‘ d) buang ‘

c) Ta co: xrer[1_all;>3<]f(x)=3:f(3).
d) Dat t =3sin” x—1:>te[—1;2:|.
Gia tri 16n nhét cua ham s8 y=f (3sin2x—1) la gia tri 16n nhéat cia ham s§ y=f(t) trén

[-2).

Duwa vao do6 thi ta cé: maxy = maxf( ) 2.

[-1:2]
Cau3: Chohamsd f(x)=sinx+cos2x.
Khang dinh Dung Sai
a) f (x)=-2sin* x+sin x+1.
b) max_f (x):g.
Xe[O;zz] 8
C min f (x)=1
) xe[0;7] ( )
d) Phwong trinh sinx+cos2x=0 c6 2 nghiém trén
[0'72].

e 2.

Loi giai:
‘ a) bung ‘ b) Dung | c) Sai | d) Sai
Ta cé: f(x)=sinx+cos2x =sinx+1-2sin*x

Dat sinx =t (XE[O;I]—)OStSI)

g(t)= -2 +t+1, g'(t)=—4t+1; g’(t):0<:>t:i
9

Tacos 9(0)=1, 9(1)=0, g § |-

Vay max f (x )=2 va min f(x)=0.

XE[O 72] 8 Xe[O;;r

d) Xét trén doan [0;71] :



Cau 4:

t=sin x

Ta co: sin Xx+cos2Xx=0=min f (x)—>sinx:1<:>x=§+k27z,keZ.

X=Z+k27z,keZ P
Do 2 nén X=E.
XE[O;ﬂ']

Mot chét diém chuyén dong theo phuwong trinh S=—+>+9¢* + 21t +9 trong d6 t tinh br?mg giay
(s) va S tinh béng mét (m).

Khéng dinh Dung Sai

a) o(t)=S'(t)=-3t* +18t +21

b) Van tOc cuia chat diém tai gidy tht 2 1a 45m/s.

) Van tdc cta chat diém tai thoi diém gia toc triét tiéu la
45m /[ s.

d) Van t6c chuyén dong dat gia tri 16n nhat khi t =3 (s).

Loi gidi:

’ a) bung ’ b) bung | ¢) Sai ‘ d) buang ‘
a)b) Ta cé: o(t)=S'(t)=-3t* +18t +2——v(2)=45m /.
c) Ta cé: a(t)=v'(t)=—-6t+18=0<t=3——0(3)=48m/s.

Van toc v(t)=5'(t)=-3t" +18t + 21 =-3(t - 3)* + 48 <48.
Vay maxo(t)=48 khi t=3.
Van t6c chuyén dong dat gia tri 16n nhat khi t =3 (s).

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén cu 6.

Cau 1:

[N ~? . . 5 A~ \ .7 .« 17 A~ » \ ~ A 1 M
Biét tong gid tri nho nhat va gia tri 16n nhat caa ham s6 y =X-InX trén doan {E;e} bang

a+be,(a;be Q). Tinh a+b.

Trinh bay:
Loi gigi:
Tap xac dinh: D =(0;+x).



Ta cé y’:l—E.Xét y’=0<:>1—l=0<:>x:1e[1;e}
X X 2

Xét y(azéﬂn 2,y(1)=1y(e)=e-1

Do dé miny=1va maxy=e-1.
%;e %;e

Tong gia tri nho nhat va gia tri 16n nhat ciia ham s6 da cho béng e——a=0;b=1.
Céu 2: Biét gid tri nho nhat ctia ham s8 f (x)=5(\/x—3+\/5—X)+\/(X—3)(5—X)—2 1a s8 c6 dang

\/5+b vdoi a,be”Z . Tinh a+0.

Loi gidi:
Tap xac dinh D =[3;5].

t2 -2
Dit t =+x—-3++/5— J(x=3)(5-x) = .
3 X—3+ x = /(x=3)(5-x) 5
Tacodt' = ! - ! ;=0 VX-3=/5-x<=x=4.
2x-3 2J5-x
t(3)=+2, t(5) =2, t(4)=2.

Do dé mint=+/2, maxt=2 hay te|+2;2].

xe[3;5]

2
Ta c6 ham s§ g(t):%+5t—3 véi te|V2;2].

g'(t)=t+5, g'(t) =0 t=-5¢[2;2].

a=>50

b=-2

Ciu 3: Choham s& f(X) c6 dao ham la f’(X) . D6 thi cia ham s6 Y = f'(X) cit OX tai cac diém 6
hoanh d0 X =0;X =2 nhu hinh vé bén dudi:

g(ﬁ):5ﬁ—2, g(2)=9 nén ter[nfizrjz]g(t)=5\/§—2=\/%_2_>{



Cau 4:

Ay

Loi gidi:
Ta c6 bang bién thién ctia ham s0
r | - 0 2 +
u =a 0 + 0 -
+oe f(2)
y : v Ly
(0. S -

Tir bang bién thién ta thdy ham s dong bién trén [0;2], ham s& nghich bién trén [2;4] do
. £(0)<f(2) f(3)-f(2)<0
vy {f(2)> £(3)> 1 ()T (4)-1(0)=f(3)-f(2)<0 BT O)
f(2)>f(3)>f(4)
= .
f(2)>f(0)> f(4)

Choham s6 y = f (x) lién tuc trén doan [-3;1] va c6 d6 thi nhw hinh bén dudi.

Vay r[T01|4r]1 f(x)=f(4)—>m=4.



Cau 5:

Tim gia tri ciia tham s6 m dé€ gia tri nho nhat chtaham s y = f (4|Sin 2022x| —3) —m bang 5.

Két qua: | om=-7 |
Trinh bay:

Loi gidi:
Xét ham s8 y = f (4]sin 2022x|—3)—m. Dit t = 4|sin 2022x|-3.
Véi 0<[sin2022x| <1, Vx e R = 0<4[sin2022x| < 4 = —3<4]sin 2022x|-3<1

=-3<t<1.
Ta dwgcham s6 y=f (t)—m.

Duya vao do thi ham s8 y = f (x) trén doan [-3;1]= Elgi;lr]l f(t)=-2

Nén min f(t)—m]:—Z—m:5<:>m:—7.
[-31]

Mbt chat diém chuyén dong cé phuong trinh van tdc 1a v(t) =e+e" 2 (m/s)(t: gidy 1a thoi
gian chuyén dong). Hoi trong khoang thoi gian 10gidy dau tién, van toc nho nhat cua chat
diém la bao nhiéu? (tinh gin diing dén hang phin tram).

Két qua: ‘ ~3,09m/s ‘

Trinh bay:




Cau 6:

Loi giai:

Tacéd: V'(t)=(2t-2)e" *=0=2t-2=0c1t=1

Bang bién thién:

t

1

10

v'(t)

v(t)

0 +
\ v(l)/

A A ~ 2 A k] A, .« A? AY 2_ . 1
Vay van toc nho nhat ctaa chat diém la: V(l) —e+el ' =et+et=e+=%3,00.

e

Trén manh dat hinh chit nhat ABCD c6 dién tich 25m?, nguoi chu 1dy mot phan dat dé trong
co. Biét phan dat trong co nay c6 dang hinh ch nhat vé6i hai dinh d6i diénla A va H, vdi
H thudc canh BD. Hoi sO tién 16n nhat nguoi chu can chuan bi dé trong co la khoang bao
nhiéu, véi chi phi trong co 1a 70.000 dong /m? ?

Két qua:
Trinh bay:

A D
dat trong co
H
B C
\ 437500 vnd
N
A D
dat trong co
M
H

'



'NH DN

Ta c6 AB.AD = 25(m2),ﬁ oA

Dit E:%:x: NH = x.AB; AN =(1-x) AD
AB DA
Dién tich dt trong co 1a: S = AN.NH = x.(1-x).AB.AD = 25.x.(1-X)
(x+1- x)2 1

Dién tich 16n nhat khi x.(1-X) 16n nhat. Ma x.(1-x) < 2

Dién tich dat trong cd 16n nhatS = %.25 = %

SO tién 16n nhat dé trong co: T = % .70000 = 437500 dong.
HET
Hué, 14h00’ Ngdy 04 thing 5 ndam 2024




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

, PHIEU HOC TAP: , ,
GIA TRI LON NHAT VA GIA TRI NHO NHAT CUA HAM SO

PHAN I. Cau tric nghiém véi nhiéu phwong an lya chon. Thi sinh trd 0i tie cdu 1 dén cdu 12. Mdi cdu hdi,
thi sinh chi chon mot phirong dn.

Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Gia tri nho nhét cia ham s8 f (x) = % x® +2x* —=5x +1 trén [-2;3] bang

A.13. B. —5. 49

C. 5. D. —.
3 3
Cho ham s6 y=f (X) c6 dao ham f’(X)=X(X—2),VXeR. Gid tri nho nhat cua ham so

y = f () trén doan [1;4] bang

A. (2). B. f(1). C. f(4). D. f(3).
Cho ham s8 Y = f (X) lién tuc trén doan [-2;2] va c6 d@6 thi nhu hinh vé bén dudi:
y
3

.

i / 1\

s\ ”/ I \\

' £ &

—

AVAV/ I ﬁ

é \‘/ ! \a‘/ &

-2 -1 0 1 2 =

Goi M va m Tan luot la gia tri 16n nhat va gia tri nho nhat cua ham s6 da cho trén doan
[—2;2] .Gia tri cia M +m bang

A. 0. B. 3. C. 4. D. 1.
Choham s8 y = f (X) c6 d6 thi nhw hinh vé bén duéi:
| -
\" 2N
'
\ Iy" ‘nl
“‘ “f ||
|
| 3
(o] 1 l‘l 1
Gia tri 16n nhat cua ham s6 trén doan [0 ; 3] bang
A. 3. B. 0. C.2. D. 4.
Choham s6 f (X) =x* —3x + 2. Gi4 tri nho nhat ctia ham s6 f (X) trén doan [O; 3] la
A. 56. B.i. C. 2. D. —l.
16 4

Mot vat chuyén dong theo quy luat s=—t°+6t* vdi t (gidy) la khoang thoi gian tinh tir ldc
vat bat dau chuyén dong va s (mét) 1a quang duong vat di dugc trong thoi gian do. Héi trong
khoang thoi gian 10 gidy, k& tir lic bat dau chuyén dong, van toc 16n nhat cta vat dat duoc
bang bao nhiéu?
A.14(m/s). B.10(m/5s). C.16(m/s). D. 12(m/s).

Cho ham s6 y = f (x) lién tuc va luén nghich bién trén [a;b]. Hoi ham s f (x) dat gid tri l6n
nhét tai diém nao sau day?

A y=1f(a). B. y=1f(b).

. . » A, 2 \ A 4 A M
Gia tri nho nhét ctia ham s8 f (x)=x+— trén [3;+x) bang
X

C. x=b. D. X=a.




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

A. 3. B. 4. C. 2. D.%.

Cau9: Biét rang gi4 tri 16n nhat ctia ham s8 y =X ++v4—x* +m 1a 3v2. Gié tri cia m thudc khoang
nao sau day?
A (¥3:2). B. (2:5). C. (0;1). D. (L+3).

Cau10: Tong gia tri nho nhat va gia tri 16n nhat cua ham sd y =sin 2x+ 2 trén tap xac dinh la

A. 4. B. 3. C.0. D. 1.

Cau1l: Cho ham s6 y=2"—4xIn2. Gié tri nho nhat cia ham s6 trén doan [0;4] c6 dang a—blnc.
Tinh a+b+c.
A. 0. B. 14. C. 34. D. -2.

Cau12: Choham so f (X) c6 dao ham 1a f'(X). D0 thi cia ham s6 Yy = f'(X) cit OX tai cac diém cé
hoanh d6 bang 0,2 nhuw hinh vé bén duéi:

Biét f(2)+ f(4)=f(3)+ f(0). Gia tri nho nhat cua f(x) trén [0;4]1a

A. f(1). B. f(4). C. £(2). D. f(0).
PHAN I Cau tric nghiém dang sai. Thi sinh trd 10i tir cdu 1 dén cdu 11. Trong moi ya),b)c)do mdi cdu,
thi sinh chon diing hodc sai (dién diu X vao 6 chon)
Ciaul: ChohamsOy= f(x)=x"-2x*-2.

a) Gia tri nho nhat ctia ham s0 trén doan [-1;1] 1a —3.D

b) Néuminy = f(x,)=y,, maxy= f(x;) =y, thi AB=+2.5
] [0;2]

[0;2

¢) Gia tri 16n nhat ctia ham s6 trén nira khoang [—1 i+ oo) la-2.5

d) Tong gid tri nho nhat va gia tri 1on nhat caa ham s6 trén doan [-22]1a3-p
Cau2: Chohamsd y=f(x)=log, (x2 —3x+ 2)

a) Ham s6 6 gia tri 16n nhat trén khoang (2;+«).S

b) Ham s6 ludn c6 gia tri 16n nhét va gia tri nho nhét trén doan [-1,0].D

c) Trén doan [-1;0] ham s& ¢6 gi4 tri nho nhat bang 1.D

d) Goi m, la gid tri ciia tham s& m d€ham s& g(x)= 2'™ 4 m 6 gié tri nho nhat trén doan

[3;4] béng -3. Khi d6 m, €(-5;0).S
Cau3: Chohamsd y=-x>—3x*-9x+3 cé dao ham trén RR.

a) Ham s6 nghich bién trén R.D

b) Ham s6 c6 ba diém cuec tri.S
0 rPiﬂq f(x)=f(4).D

d) max f(x)=1(-4).5




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

Cau 4:

Khi bo qua strc can ctia khong khi, d6 cao ( mét) cua mot vat thé sau thoi gian t gidy duoc
phéng thang ding lén trén tir diém cach mat dat 5 mét voi téc do ban dau 39,2 m/s 1a
h(t)=5+39,2t—4,9t*, chon chiéu duong la chiéu huéng tir dudi 1én.

a) Vat dat d6 cao 16n nhat bf?mg 83,4 mét tai thoi diém t =4 giay.

b) Khoang thoi gian vat ¢ do cao trén 10 mét dai hon 7 giay.

¢) Van t6c ctia vat ltc vat cham dat sap xi —40,43(m/s)

d) Van toc cua vat sau 3 gidy la 4,6 m/s.

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén cdu 15.

Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Tinh gia tri nho nhat cua ham s6 y =3x+ iz trén khoang (0;+c0). (lam tron dén hang phan
X

chuc).
Két qua:

X% +
Tinh gia tri 16n nhat chia ham s6 y =

4
trén doan [1;3].

Két qua —
Tai truong THPT Y, d€ giam nhiét do trong cac phong hoc tir nhiét dd ban dau la 28°C, mot
hé thdng diéu hoa lam mat duoc phép hoat dong trong 10 phat. Goi T (don vi °C ) la nhiét
dd6 phong ¢ phat the t (tinh ter thoi diém bat may) dwgc cho boi cdng thic
T =-0,008t" 0,16t + 28 (t €[0;10]) . Tinh nhiét d6 thap nhét trong phong c6 thé dat duoc
trong khoang thoi gian 10 phut d6 (Lam tron dén hang phan chuc)
Két qua —
Goi M 1a gia tri 16n nhét ciia ham s8 f(x)=x° —3x* +4x+m’ —2m trén (0;1]. C6 bao nhiéu gia
tri nguyén ctua tham s6 m dé M <8?
et qui —
Anh H dang trén chiéc thuyén tai vi tri A cadch bo séng 2km, anh du dinh cheo thuyén vao bo
va tiép tuc chay bd theo mot duwong théng dé€ dén mot dia di€ém B toa lac ven bo song, B cach
vi tri O trén bo gan véi thuyén nhat 1a 4km (hinh vé). Biét rang anh H cheéo thuyén véi van toc
6km/h va chay bo trén bo véi van tdc 10km/ h. Tinh khoang thoi gian ngan nhat d€ anh H tir
vi tri xudt phat dén duoc diém B.

2km

- BYON\

. &y
4km

Két qua: ]

Mot ctra hang ban budi Doan Hung ctia Pht Tho véi gid ban mdi qua 1a 50.000 dong. Véi gia
ban nay thi ctta hang chi ban duoc khoang 40 qua buoi. Clta hang nay dy dinh giam gia ban,
wéc tinh néu clra hang ctt giam madi qua 5000 dong thi s& bwdi ban duoc tang thém 1a 50 qua.
Xéac dinh gia ban d€ ctra hang d6 thu dwoc loi nhuan 16n nhat, biét rang gia nhap vé ban dau
mdi qua la 30.000 dong. (don vi nghin dong)

Két qua: [ ]

0

T ]

- dige




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

PHAN 1. Cau héi tric nghiém nhiéu Iwa chon

Cau 1.

Taco: f'(x)=x*+4x-5

=1le(-2;3
f'(x)=0< x=le(-23)
x=-5¢(-2;3)
Df(1)=-2, f(-2)=2. 1(3)=13
37 37
i 5
; fF(x)=f(1)=-2
vay M (x)=1(1) 3
Cau 2
Loi gidi:

Ta co f'(X)=O<:>{X_O.
X=2
Bang bién thién:
X —a0 0 2 +o0

f(x) + 0 —_ 0 +

+o0

7:) /f(O) T (2) /

Dua vao bang bién thién ta thdy gia tri nho nhat ciia ham s trén doan [1;4] 1a f(2).

Cau 3.

Chon A
maxf(x)=8 -3

Quan sét db thi ta thay: { - - —~M+m=3+0=3.
min f (x)=0 m=0
[-2:2]

Cau 4.

Tur d6 thi ham s8 f (X) tacé max f (x)=4 tai x=2.
[0;3]

Cau 5.

f'(x)=4x>-6x.

0
f'(x)=0< 4x’-6x=0< XZ?
J3




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

N . 1
Vay, r[rolla? f (X):—Z.

Cau 6.
Tt bang bién thién ta cé trong khoang thoi gian 10 gidy, k& tir lic bat dau chuyén dong, van toc 16n
nhat ctia vat dat duoc béng 12(m/s), dat duoc tai gidy tha 2 sau khi bat dau chuyén dong.
Cau 7.
Vi ham s y = f (x) lién tuc trén doan [a;b] nén c6 gia tri l6n nhit va gia tri nho nhit trén doan
d6. Lai viham s0 y = f (x) ludn nghich bién trén [a;b] nén f (x) dat gi4 tri 16n nhat tai X=a.

Cau 8.
2
Tap x4c dinh: D=R\{0}; f'(X):l—%z XX;4>0,VX€[3;+°O)-
. 13

Do d¢ f(x)=f(3)==.

odé min f(x)=f(3)=7
Cau 9.
Tap xac dinh D=[—2; 2]

X x>0 x20
'=1- =0 V4-x*—-x=0 < = o x=42.
y Ja_x2 i X {4—x2=x2 {x:i\/f

f(2)=2+m; f(-2)=-2+m; f(J2)=22+m

Nén gia trj 16n nhat ctia ham s da cho la: 242 +m =32 & m=42.

Cau 10.

TXD: D=R

Taco —1<sin2x<1 nénsuyral<sin2x+2<3.Dodd Y, =3; Y., =1 nén
Yiax T Ymin =3+1=4.

Cau 11.

TXb: D=R

y'=2"In2-4In2

Cho y'=0< 2"In2-4In2=0<x=2

1 16-16In2

4-E8ln2

Gia tri nho nhét ctia ham s trén doan [0;4] bang 4-8In2 tai x=2.
Khi d6: a+b+c=4+8+2=14.
Cau 12.

Ta cé bang bién thién cua ham s6 :

T — 0 2 +
u . 0 + 0 -
+ f(2)
y v S
(0.~ Na -~

Tir bang bién thién ta thdy ham s6 dong bién trén [0;2], ham s& nghich bién trén [2;4] do vay




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

{ £(0)<f(2) j{ f(3)-1(2)<0 = f(4)< £ (0)

£(2)> £(3)>f(4) | F(4)-f(0)=F(3)-f(2)<0
F2)>f(3)>1(4) ...
j{f (2)> £ (0)> 1 (ay VO B FI= 1)
PHAN IL Tric nghiém diing sai

Cau 1.

Taco TXD: D=R..

A B X=0=>y=-2
y'=4x"-4x=0< .
X=11l=y=-3

X e 1 0 1 F00
V' - 0 4 0 -0 B

+ -2 +ar
y \_3 / \_3 /

Tt bang bién thién, suy ra gia tri nho nhat ctia ham s6 trén doan [-1;1] 1a —3.

Gia tri 16n nhat ctia ham s6 trén nita khoang [-1;+ o) khong ton tai.
Vi f(£2)=6, f(£1)=-3, f(0)=—2nén miny=-3, maxy ==6.
[-2;2] [-2;2]

Dod6é miny+maxy=-3+6=3miny=f(1)=-3, maxy=f(2)=6
0;2] [0:2]

[-2:2]  [-2:2] [0;

Suy ra A(L;—3), B(2:6). Dodé: AB=1/(2-1)? +(6—(-3))? =/82.

Cau 2.

SAI

Ham s6 ¢6 tap x4c dinh D =(—o0;1) U(2;+x).

Tacéd lim f (X) = +0 . PUNG

Vi [—1;0] < D va ham s0 lién tuc trén [—1; O] nén ludn ton tai gia tri 16n nhat va gia tri nho nhat trén

doan nay. PUNG

f(x)=log, (x* —3x+2)= f'(x)= 2x =3
(x*=3x+2)In2

£'(x)

0c>x=—g¢[—1;0].

Vay mlg} f (x)=1.SAI

TXD D =(—o0;1)U(2;+%) chira [3;4].

X2 —3x+2
)+m:x2—3x+2+m.

g(x)=2"+m= 2%
Cé g'(x)=2x—3,g'(x)=0©x=ge‘[3;4].

Ma ham s& dong bién trén [3;4] nén r[T(l)Il? g(x)=g(3)=2+m.




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

Theodétacdé 2+m=-3<<m=-5
Vay m, =-5¢(-5;0)la sai.

Cau 3.
Ta co:
y'=-3x* -6x-9
y' <0,Vxe(—4 4] , ham s6 nghich bién trén (—4; 4]
BBT:
X —4 4

-“' -

55

_\' \
-145

T béhg bién thién ta c6 ham s6 dat GTNN m =-145 khi X =4 va khong xac dinh duwgc GTLN.

Tt bang bién thién ta thdy ham sd khong c6 cuc tri

Tl bang bién thién ta thdy gid tri nho nhat cia ham s6 f (x) trén (—4;4] la f(4)=-145

Tl bang bién thién ta thdy ham sd khong ¢6 GTLN trén (—4;4]

Duta vao bang bién thién ta thdy m}q f(x)|=f(4).

Cau 4.

Van t6c cua vat tai thoi diém t gidy la V(t) = h'(t) =39,2-9,8t.

a) Vi h(t) la ham s& bac hai c6 hé s6 a=-4,9<0 nén h(t) dat gid tri 16n nhat tai thoi diém
b 392

22 249

=4 (giay). Khi d6 d6 cao 16n nhat caa vat 1a h(4)=83,4 (m).bung

b) Vat & d6 cao trén 10 mét khi h(t) >10 < —4,9t +39,2t-5>0 <

28++/734 28-4734 2734
7 7

7

28— /734 .y 28+ /734
7 7 ’

Khoang thoi gian vat ¢ d§ cao trén 10 mét dai ~ 1,74 ( giay)Dung

t= 28483 s o)
c) Vat cham dat khi d6 cao bang 0, tic 1a h(t) =0 —4,9°+39,2t+5=0< i/_
t:w(ktmt<0)

28++/834
7

Khi @6 van tbc cua vat la v( Jz—40,43(m/3).

Van t6c ctia vat am ching té chiéu chuyén dong cua vat nguoc chiéu dwong cta truc da chon.
d) Van t6c cua vat sau 3 gidy la v(3)=9,8m/s .Ding
PHAN IIL. Tric nghiém tr 16i ngin

Cau 1.
Daép s6: 6,2
F(0=3-2
X

Cho f'(x)=0<:>x=i/g




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

X 0 {f % +a0

f(x) - 0 +

Vay GTNN = f(i/gj:33§+ 4 ~6,2.
8

Cau 2.
Tacéy’=1—iz.
X
x=2¢e]|1.3
y':0<:>1—iz=0© e[ ] .
X x=-2¢[13]
13

Khido y(1)=5, y(2)=4, y(3)==
Vay ”[}%]X y=5.

Cau 3.
Dip so: 18,4
Xétham s6 f (t)=—0.008t> —0.16t + 28 trén doan [0;10].
Tacé: f'(t)=-0.024t>~0.16<0, Vvt €[0;10].
Do d6 gl{g} f(t)="f(10)=184.
Vay nhiét d¢ thap nhat trong phong c6 thé dat dugc trong khoang thoi gian 10 phut dé gan dung la
18,4°.
Cau 4.

D=R

f'(x)=3x*-6x+4
Tacd f'(x)>0,vx e R.Doddham s6 dong bién trén (0;1]
Ham s& dat gié trj 16n nhat1a M = f () =m*-2m+2

M <8 m?—2ms2<8 M —2M—6<01-7<m<1+47
Cac gia tri nguyén cia M théa manla —1;0;1;2;3.
Cé 5 gia tri nguyén ctia tham s6 M dé€ M <8.

Cau 5.
Aii-.z.

2km

4+ x°

x 4—x BXu
o, P i i’

Akm

Dit OP=x (0<x<4)=>BP=4-x; AP=+4+x".

Khoang thoi gian d€ anh H tr vi tri xuat phat dén dugc diém B la:




Gido vién: Lé Ba Bao — T6 Toan THPT Ding Huy Trir

2 J—
g =tap +og = arx 4 X(h):t('x)=L—i.
6 10 6v4+ x> 10
O<x<4
t(’x)=0c>L—i=Oc>3 4+x* =X ox=2
6:/4 + X2 16x° =36 2
BBT:

X 0
(x) — 1

1(x) \ /

Tt BBT suy ra khoang thoi gian ngan nhat d& anh H tir vi tri xuat phat dén duoc diém B la:

t, =§(h)=§.60( phit) = 40 pht.

o kW

Wil ka2

Goi x la gia ban thuc t& ciia mdi qua buoi Doan Hung, (x: dong; 30.000 < x <50.000 déng).
Ta c6 thé lap luan nhu sau:

Gia 50.000 dong thi ban dwgc 40 qua buoi

Giam gia 5.000 dong thi ban duoc thém 50 qua.

Gidm gia 50.000 — x thi ban duoc thém bao nhiéu qua?

Theo quy tic tam xuat s& qua ban thém duoc la: (50000 — X)% = ﬁ(SOOOO -X).

Do d6 S6 qua bwoi ban duoc tuong ting voi gia ban x: 40+ ﬁ(SOOOO -X)= —ﬁ X+540
Goi F (X) la ham loi nhuéan thu duoc (F(X): dong).
Ta cé: F(x)= _ L x+540 [.(x—30.000) = _ L x? +840x —16.200.000
100 100
Bai todn trd thanh tim gid tri 16n nhat cua ham so:

F(x)= —% X? +840x —16.200.000, diéu kién: 30.000 < x < 50.000.

F(x):—é%x+84xF(x):Ocz—é%x+840:Oc>x:42000

Viham F (X) lién tuc trén 30.000 < X <50.000 nén ta co:
F (30.000) =0; F (42.000) =1.440.000; F (50.000) =800.000
Vay véi x =42.000 thi F(x) dat gid tri Ion nhat.

Vay dé ctra hang d6 thu duoc loi nhuan 16n nhat thi gia ban thuc t& ctia moéi qua buoi Doan
Hung la 42.000 dong.
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Lép Toan thidy LE BA BAO
Truong THPT Ding Huy Tr SDT: 0935.785.115 Facebook: Lé B4 Bao

116/04 Nguyén L6 Trach, TP Hué Trunﬁ tam Km10- Huong Tra — Hué
Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y clia
uy thiy cd cung cac em hoc sinh! Xin chan thanh cam on!
A 4 A 14 ) 2 1N LN A A7 A
PHAN I “ Cau trac nghiém vo6i nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12.

MGi ciu héi, thi sinh chi chon mgt phwong dn.
Cau 1: Chohamso y=f (X) xac dinh, lién tuc trén doan [—2;2] va c6 do thi la duong cong trong

hinh vé sau:
- {

Tim khéng dinh dtng trong cac khang dinh sau:

A. [rpzi;g]f(x)z—4. B. m!%f(x):l. C.minf(x)=2.  D. [rp2i;£1]f(x)=—2.
Cau 2: Chohamsd f(x) xac dinh trén R ¢6 f '(x) = 3,Vx € R . Khang dinh nao duéi day dung?
A.Ham s6 f(X) khong c6 gid tri 16n nhat va khong c6 gia tri nho nhét trén doan [2;3]
B.Ham s& f(X) khong c6 gia tri 16n nhat va c6 gia tri nho nhat doan [2;3]
C.Ham s6 f(X) co gia tri 16n nhét va gia tri nho nhat doan [2;3].
D.Ham s6 f(X) c6 gia tri 16n nhét va khong c6 gia tri nho nh&t doan [2;3].

Cau 3: Chohams6 y= f (x) lién tuc trén [-3;2] va cé bang bién thién nhw sau:

I

f(x) _2/3\0/2\]

Goi M, m Ian luot la gid tri 16n nhat va gia tri nhé nhat ctia ham s8 y = f (x) trén doan

[-12]. Tinh M +m.
A. 3. B. 2. C.1. D. 4.



Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Biét gia tri nho nhat ctia ham s6 f (X) =x®-21x trén doan [2;19] c6 dang a—bx/;,(a;b EN),
tinh a+b.

A.12. B. 14. C. -14. D. -12.

Mot nha phan tich thi truong lam viéc cho mot cong ty san xuat thiét bi gia dung nhan thay
réng néu cong ty san xudt va ban x chiéc may xay sinh t6 hang thang thi lgi nhuan thu dugc
(nghin ddng) c6 thé duoc tinh bang cong thie P(x)=-0, 3x® +36x° +1800x — 48000 . D€ ¢4 loi

nhudn 16n nhat cong ty can san xudt dung bao nhiéu chiéc may sinh t6 moi thang?

A. 90. B. 100. C. 110. D. 120.
Gia tri nho nhatm cta ham s6 y = x* —8x* +16x—9 trén doan [1;3] bang
A. m=0. B. m=-9. C.m:;—i. D. m=-6.

Chohamsd y=f (X) lién tuc trén doan [—1; 3] va c6 do6 thi nhu hinh bén dwdi:

Goi M va m lan luot la gia tri 16n nhat va nho nhat cua ham sé trén doan [—1; 3] . Gia tri cua

M —m bang

A. 2. B. 3. C. 1 D. 5.

D& ham s8 y = —z' + 62° + m dat gia tri 16n nhét trén [—1;1] bang 5 thi gi4 tri ctia tham s&
m béang

A. 0. B. 5. C. -5. D.1.

Mbt chiéc hop c6 dang hinh hop chir nhat khdng cé nap, cé ddy 1a hinh vudng canh x(cm) va
chiéu cao h(cm). Biét tong dién tich bé mat cta chiéc hop bang 243cm?, tim X dé chiéc hop
6 thé tich 16n nhat.

A. x=9,5cm. B. x=9,15cm. C. x=9,2cm. D. x=9cm.

X—2
Tim gia tri nho nhat cia ham s6 y = 1 trén doan [0;2]
X+
A. 2. B. -3. C. -2. D. 0.

Goi m vad M Tan luot la gia tri nho nhat va gia tri 16n nhat ctia ham s6 y = x++/2—x° . Biét
M -m=a+b+/2,(a;b e N), tinh a+b.

A.5. B. 4. C.3. D. 2

Tim tap gid tri cia ham s6 y=x-1+9-x.

A.T=[19]. B.T=[2V2;4]. C.T=(19). D.T=[0; 2V2].



PHAN I1. (2,0 d@iém) Cau tric nghiém ding sai. Thi sinh trd 10i tir cdu 13 dén cdu 14. Trong mbi y a), b), ¢),
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vio 6 chon)
Cau 13: Chohamsd y=f (X) xac dinh trén R, c6 d6 thi f '(X) nhu hinh vé bén duéi day:

7 |

[\
/ 3\_/ 8\
f'(r)

Khang dinh Dung Sai
cO ba diém cuc tri.

'~,V

a) |Hams6 y=f(x)
b) | Hams6 y= f(x)
) |Hamso y= f(X) dat cuc daitai x=1.
d) (Tolg) f(x)=f(-6).

dong bién trén khoang (1;8).

Cau 14: Mot duong day dién dugc ndi tir mot nha mdy dién ¢ A dén mot hon dao ¢ C khoang cach
te C dén B la 1 km. Khoang cach tir B dén A 1a 4 km. Moi km day dién dat dudi nudce 1a
mat 5000 USD, con dat dwdi mat dat mat 3000 USD. bat SA= x km (0 <x< 4).

A

v

Khang dinh Dung Sai
a) | P dai doan CS=+/x>+1.
b) | Chi phi mac day dién tt A qua S roi dén C la
T = SA.3000 + SC.5000
¢) | Chi phi mac day diéntir § dén C la:

1000[5 x2—8x+17}

d) | Téng chi phi mac dién tlt A qua Sr6i dén C nho nhat
la 5000v17 USD.

PHAN II1. (2,0 diém) Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 15 dén cdu 18.

Cau 15: Mot cong ty kinh doanh bat déng san c6 20 can hd cho thué. Biét rang néu cho thué mdi can
ho véi gid 3,2 triéu dong/1 thang thi tat ca can ho déu cé ngurdi thué. Nhung ctt mdi [an tang

gia cho thué moi can hod thém 200 nghin dong/1 thang thi c6 thém mot can hd bi bo trong.
Hoi cong ty nén cho thué mdi can ho bao nhiéu triéu dong mot thang dé tong s6 tién thu
duwoc la 16n nhat?

Két qua: ]

Trinh bay:



Cau 16:

Cau 17:

Cau 18:

Mot doanh nghiép du dinh san xudt khong qua 600 san pham. Néu doanh nghiép san xuat X
san pham (1<x<600) thi chi phi san xudt binh quan cho m{t san pham la

G(x)=x+10+ 300000

(nghin do6ng), trong khi doanh thu khi ban hét sd san pham d¢ la

F(x) = x* —2111x* +1224010x + 300000 (nghin déng). Doanh nghiép cin san xuét bao

nhiéu san pham dé€ loi nhuan thu dwoc la 16n nhat?

Két qua: ]

Trinh bay:

2X—m?
X+1

m thoéa man 2max f (x)—min f (x)=8. Tinh 5m, —2m,.

02 022

Két qua: ]

Trinh bay:

Cho ham s6 f (x)= , v6i m la tham s8. Goi m;,m,(m, <m,) la cac gid tri ctia tham s6

Cho mot tdm gd hinh vuong canh 180 cm . Nguoi ta cat mot tém gb cé hinh tam gidc vudng
ABC tir tdm gdb hinh vudéng da cho nhu hinh vé. Biét AB =x (0 <x < 70cm)la mot canh
gbc vudng ctia tam giac ABC va tdng d6 dai canh géc vudng AB véi canh huyén BC bang
150 cm. Tim X dé€ tam gidc ABC c6 dién tich 16n nhét (don vi cm).

180}




PHAN IV. (3,0 diém) Cau héi tw luan. Thi sinh tré 1oi tie cau 19 dén cdu 21.

Cau 19:

Cau 20:

Cau 21:

Moo Tx o Inx .
Tim gia tri nho nhat cta ham s6: g(X) = — trén doan [1;4].
X

Trinh bay:

Mot méng nudc mua duoc lam tir mot tAm ton rong 45 cm bang cach gap hai phia cta tdm

A r. 7 /4 \‘I 1 ~ A 4 \ A 4
ton vdi kich thudc bang 3 tam ton sao cho no tao thanh mot goc X.

N/

- 15 cm+ === 15 cr &= 15 c

Hoi phai chon X bang bao nhiéu d6 d&€ mang chita dugc lwong nede mua toi da?

Trinh bay:

Mot man hinh BC c6 chiéu cao 1,4m duoc dit thang ding va mép dudi ctia man hinh cach
mat dat mot khoang BA=1,8m. Mot chiéc den quan sat man hinh dwgc ddt ¢ vi tri O trén
mat dat. Hay xac dinh khoang cach AO sao cho géc quan sat BOC la 16n nhat.

(
A

L4m

=
I,Xmi
i
| 0

HET
Hué, 10h20’ Ngdy 15 thdng 5 nam 2025




Page: CLB GIAO VIEN TRE TP HUE < A A A
i N TIRAC NGHIEM CHUYEN BDE

Mén: To:in 12 - KNTT
GIA TRI LON NHAT VA GIA TRI NHO NHAT
CUA HAM sO

Dinh hwéng cédu tric 2025+

PHAN 1. (3,0 diém) Cau tric nghiém v6i nhiéu phwong an lya chon. Thi sinh trd I0i tie cdu 1 déh cdu 12.

MGi ciu héi, thi sinh chi chon mgt phwong dn.
Cau 1: Chohamso y=f (X) xac dinh, lién tuc trén doan [—2;2] va c6 do thi la duong cong trong

DE ON TAP SO 04 _TrNg 2025

hinh vé sau:

Tim khéng dinh dtng trong cac khang diﬁh sau:
A. min f (x)=—-4. B. min f (x)=1. C. min f (x)=2. D. min f (x)=-2.
[-2:2] [-2:2]

[-2:2] [-2:2]
Loi gidi:
Quan sat do6 thi trén doan [—2 X 2] , g4 tri nho nhét chlahamso y = f (X) la 4.
Choham s6 f(X) xac dinh trén R ¢6 f '(x) = 3,Vx € R . Khang dinh nao duéi day dtng?
A.Ham s8 f(x) khong co gia tri Ion nhat va khong c6 gid tri nho nhéat trén doan [2;3].
B.Ham s6 f(X) khong c6 gié tri 16n nhét va cd gia tri nho nhat doan [2;3].

Cau 2:

C.Ham s6 f(X) c6 gia tri 16n nhat va gia trj nho nhat doan [2;3].
D. Ham s& f(X) c6 gid tri 16n nhét va khong c6 gia tri nho nhat doan [2;3].
Loi giai:
Tap xac dinh: D=R .
y'=3>0.Nén ham s6 déng bién trén R nén dong bién trén doan [2;3] vay gia tri 16n nhat
la f(3), gid tri nho nhat bang f(2).

Cau 3: Chohams6 y= f (x) lién tuc trén [-3;2] va cé bang bién thién nhw sau:

Y

f(x) _2/3\0/:\]




Cau 4:

Cau 5:

Cau 6:

Goi M, m Ian luot la gia tri 16n nhat va gia tri nho nhat cia ham s6 y = f (X) trén doan
[-12]. Tinh M +m.

A. 3. B. 2. C. 1. D. 4.

Loi giai:

Trén doan [—1; 2] ta c6 gia tri 16n nhat M =3 khi x =-1 va gia tri nho nhat m=0 khi x=0.
Khidé M +m=3+0=3.

Biét gia tri nho nhat cta ham s6 f (X) =x®-21x trén doan [2;19] c6 dang a—bx/;,(a;b EN),
tinh a+b.

A. 12. B. 14. C. -14. D. -12.

Loi gidi:

X=—7¢[2;19
Trén doan [2;19], ta co: y'=3x*-2l=y'=0< \/_ [ ].
x=+7 e [2;19]

Ta cé: y(2) =—34: y(\7) = —14/7; y(19) = 6460 .

Vay m=-14J7——a=0;b=14—a+b =14,

Mot nha phan tich thi treong lam viéc cho mot cong ty san xuat thiét bi gia dung nhan thay
rang néu cong ty san xuat va ban X chiéc may xay sinh t& hang théng thi loi nhuan thu duoc
(nghin ddng) c6 thé duoc tinh bang cong thitc P(x)=-0,3x’ +36x* +1800x — 48000 . D& ¢4 loi

nhudn 16n nhat cong ty can san xudt dung bao nhiéu chiéc may sinh t6 moi thang?

A. 90. B. 100. C. 110. D. 120.
Loi gidi:
Xét ham s8 P(x)=-0,3x° +36x* +1800x — 48000 v4i x € N*.

x =100

Ta cé: P'(X) = —0,9x% + 72x +1800; P'(x)=0< [x _ _20()

Bang bién thién:

T 0 100 + o0
P' + O —
max

| A N

Vay co s6 san xudt duwoc 100 chiéc may sinh t8 mdi thang thi loi nhuan dat cao nhat.

Gié tri nho nhatm ctia ham s6 y = x* —8x* +16x—9 trén doan [1;3] bang
A. m=0. B. m=-9. C.m:E. D. m=-6.
27
Loi gidi:
x=4¢[13]
Tacéd: Yy =3x* -16x+16; y =0 <=
X = g e[13]

3
Kétluan: miny =-6 khi x=3.

Ta c6: y(1)=o;y(4j=§;y(3)=—6



Cau 7:

Cau 8:

Cau 9:

Chohamsd y=f (X) lién tuc trén doan [—1; 3] va co do thi nhu hinh bén duéi:

Goi M va m lan luot la gia tri 16n nhat va nho nhat caa ham s trén doan [—1; 3] . Gia tri cua
M —m bang

A. 2. B. 3. C. 1. D. 5.

Loi gidi:

TacO M=3vam=-2 = M-m=5.

D& ham s8 y = —z' + 62° + m dat gia tri 16n nhat trén [—1;1] bang 5 thi gi4 tri ctia tham s8
m bang

A. 0. B. 5. C. -5. D. 1.

Loi gidi:

Taco:

x=0e[-1;1]
+y'=—4x’ +12x,y' =0 & x=\/§9§[—1;1} ;

X = —\/5 ¢ [—1;1]
+ y(O) = m;y(il) =m+5;
Vay I[I}lé;ll)](ny(il)Im+5=5<:> m=0.
Mbt chiéc hop c6 dang hinh hop chir nhat khdng cé nap, cé ddy 1a hinh vuong canh x(cm) va
chiéu cao h(cm). Biét tdng dién tich bé mat cta chiéc hop bang 243cm?, tim X dé chiéc hop
6 thé tich 16n nhat.

A. x=9,5cm. B. x=9,15cm. C. x=9,2cm. D. x=9cm.
Loi gigi:

_ 2
Dién tich bé mat ctia hinh hép la 243cm® nén x> +4xh=243=h= 24:1 X (cm)
X

Thé tich ctia hinh hop 1a: V = x*.h = x

, 243-x%  243x—x°,
" ax 4 (o).

_ 3
Khao sat ham f(x):m#,0<x<9\/§.

. 2
Ta co: f’(x):w, F(x) =0 x=9 (do x>0)



Cau 10:

Cau 11:

Cau 12:

Bang bién thién:
x| — -9 0 9 9.3 4o
f'(x ')1 - 0 + + 0 =
I = | '.‘\ 64.5
Six J 0

o
x

A

Dua vao BBT suy ra thé tich ctia hgp 16n nhat khi d6 dai canh day x=9(cm).

. o X=2
Tim gid tri nho nhat ctia ham s6 y = 1 trén doan [0;2]
X+
A 2. B. -3. C -2 D. 0.
Loi gidi:
Ham s6 xac dinh khi x = -1

Tacod Yy = 5 >0 v6imoi x#—-1=ham s0 dong bién trén khoang (—oo; —l) , (—1; +oo)

(x+1)
= Ham s6 dong bién trén [0;2] = r[gl;izr]l y=y(0)=-2.

Goi m va M Ian luot 1a gia tri nho nhat va gia tri 1on nhat cta ham s8 y = x++/2—x” . Biét
M -m=a+b+/2,(a;b e N), tinh a+b.
A. 5. B. 4. C. 3. D. 2

Loi giai:
Tap xac dinh D = [—JE; \/§:|

Ta co: y’=1—L; y=0 x—-+2- 2:0<::>{X20 < x=1
J2-x X2 =1
Tacd y(v2)=+2; y(—2)=—2; y(1)=2.
Vay maxy=y(1)=2; g@gyzy(—ﬁ)=—\/§.
Vay M-m=2+yJ2——a=2b=1:a+b=3.
Tim tap gid tri cia ham s6 Y =+/x—1++/9—x.
A.T=[19]. B.T=[2/2;4]. CT=(19). D.T=[0; 2J2].

Loi gidi:
Tap xac dinh: D =[1,9].
>1
Tacéd: Y = t 1 =0=V/9-x=vVx-1 X < x=5.
20x-1 24/9-x 9-x=x-1
Tacéd: f(1)=f(9)=2v2; f(5)=4.
Vay tap gid tri ctia ham s§ da chola T =| 24/2;4 .

PHAN I1. (2,0 diém) Cau tric nghiém dtng sai. Thi sinh trd 10i tir cdu 13 dén cdu 14. Trong mbi y a), b), ¢),
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vio 6 chon)

Cau 13:

Choham s8 y = f (x) x4c dinh trén R, c6 d6 thi f'(X) nhw hinh vé bén duéi day:



yA

/ -?\‘/“ 8\
[(r)

Khéng dinh Dung Sai

'~,V

cO ba diém cuc tri.

(x)

b) |Hamso y=f (X) dong bién trén khoang (1;8) )
(x)
(

) | Hdms6 y= f(x) dat ciec daitai x=1.
d) min f(x)=f(-6).
Loi giai
‘ a) Sai ‘ b) bung | c) Sai ‘ d) bang ‘
X=-6
, X=-2
a) Taco: f (X)=0:> (-1
X=8
Bang xét dau f'(x)
‘ x | = -6 =2 1 B o
I x) -0+ 0 - 0 +0 -

Hamso y=f (X) cO cac diém cuc trila —6;-2;1 va 8.
(b) Ham s& dong bién trén khoang (1;8).
(c) Ham sO dat cyc tiéu tai x =1.
(d) Trén (—o0;—2) ham s8 c6 gia tri nho nhat f (-6).

Cau 14: Mot duong day dién dugc ndi tir mot nha méy dién ¢ A dén mot hon ddo & C khoang cach
tr C dén B 1a 1 km. Khoang cach tir B dén A 1a 4 km. Mdi km day dién dit dudi nudce 1a
mat 5000 USD, con dat dudi mat dat mat 3000 USD. Dat SA= x km (0 <x< 4).

A

v

Khang dinh Dung Sai

a) | Po dai doan CS=+/x>+1.
b) | Chi phi mac day dién tt A qua S roi dén C la
T = SA.3000 + SC.5000

©) | Chi phi méc day dién tie S dén C 1a: 1000[5 x2—8x+17}

d) | Tong chi phi méic dién tit A qua Srdi dén C nho nhat la




5000~/17 USD.

Loi giai:

| aSi | bbung | obang | d) Sai |
Dit SA=xkm (0<x<4)
Chi phi mac day dién tlr A qua S r6i dén C la

T (X) = SA.3000+ SC.5000 :1000[3x+5 (4—x) +12 } ~1000] 3x+ 53’ ~8x+17 |

Tacé: T'(x) 1000{3+ 5(2x-8) ]T'(x) 0o 5(2x-8) 5
a Co: = — 2 |: _ _2\exX=e)
2 et 2ot

Xx<4
2 — —
< 3Vx* —8x+17 =-5(x 4)©{9[(X4)Z+1}=25(X4)2

Xx<4

9 & x—g
(x—4)2:— 4

16
Ma T (0)=5000317; T (4)=17000; T (%) =16000

Vay chi phi mac day dién tlr A qua S rdi dén C it t&n kém nhat 1a 16.000 USD.

PHAN I11. (2,0 dién) Cau tric nghiém tra 10i ngén. Thi sinh trd 10i tie céu 15 déh chu 18.

Cau 15:

Cau 1e:

Mot cong ty kinh doanh bat dong san cé 20 can hd cho thué. Biét rang néu cho thué moi can
ho véi gia 3,2 triéu dong/1 thang thi tat ca can ho déu c6 nguoi thué. Nhung ct mdi [an ting
gia cho thué moi can hod thém 200 nghin déng/1 thang thi c6 thém mot can hd bi bo trong.
Hoi cong ty nén cho thué mdi can ho bao nhiéu triéu dong mot thang dé tong sd tién thu
duoc 1a 16n nhat?

Két qua: 3,6

Trinh bay:

Loi giai:

Goi n (neN)lasolan tang gia.

+) Gi4 cho thué mbi cdn hd sau n lan tang gid 1a: 3,2+0,2n (triéu dong);

+) S6 can ho cho thué sau n lan tang gia la: 20—n (cén).

SO tién thu duwocla T (n) = (3, 2+0, 2n)(20— n), neN.

Khao sat ham s8 T (n)——>maxT (n) =T (2) = 64,8 triéu dong.

Vay cong ty nén cho thué mdi can ho véi gia 3,6 triéu dong/thang.

Mot doanh nghiép du dinh san xuét khong qua 600 san phdm. Néu doanh nghiép san xuat X
san phdm (1<x<600) thi chi phi san xudt binh quan cho mot san pham la

G(x)=x+10+ 300000

(nghin do6ng), trong khi doanh thu khi ban hét sd san pham d¢ la



Cau 17:

Cau 18:

F(x) = x* —2111x* +1224010x + 300000 (nghin déng). Doanh nghiép can san xuét bao
nhiéu san pham d€ loi nhuén thu dwoc la 16n nhat?

Két qua: 408

Trinh bay:

Loi gidi:

Chi phi san xudt X (0 < X <1000) san pham G(x) = x* +10x + 300000

Suy ra ham lgi nhuéan la f (X) =F (X) -G (X) = x* —2112x* +1224000x .

Khao sat ham s6 f (X) trén (O; 600], gid tri 16n nhat cua ham s& f (x) dat dwoc tai X = 408.
2x—m?
X+1
m thoa man 2max f (x)—min f (x)=8. Tinh 5m, —2m,.

[0:2] [0:2]

Cho ham s6 f (x)= , v6i m la tham s8. Goi m;,m,(m, <m,) la cac gid tri ctia tham s6

Két qua: -28
Trinh bay:
Loi gidi:
2
Tace: /(x)=2" 5 0,vxe[0;2]
(x+1)
= Min f (x)=f (0)=-m*;Max f (x)=f (2)= 4—m’
[0:2] [0:2] 3
Do d6:
. 4—m? )
2max f (x)—min f (x)=8<2 +m*=8.
[0;2] [0;:2] 3
, {m:—4
&Sm-16=0<
m=4

Vay 5m, —2m, =5.(—4)-2.4=-28.

Cho mét tdm gd hinh vudng canh 180 cm. Nguoi ta cat mot tdim gd 6 hinh tam giac vuong
ABC tir tdm gdb hinh vudéng da cho nhu hinh vé. Biét AB =x (0 <x < 70cm)la mot canh
gbc vudng ctia tam giac ABC va tdng d6 dai canh géc vudng AB véi canh huyén BC bang
150 cm. Tim X dé tam giac ABC c6 dién tich 16n nhét (don vi cm).



150}

Két qui
Trinh bay:

Loi gidi:

AB =x(0<x<70cm)

Ta c6: AB+BC =150= BC =150-x

AC = (150 - x)° —x* =+/22500—300x
S= % AB.AC = %.x.\/22500—300x

5'=1 /22500~ 300% + £ x— 20 _ 22500 40x
2 2 \/22500-300x  2+/22500—300x

S'=0= 22500-450x =0= x=50
Bang bién thién:

Vay: x=50

PHAN IV. (3,0 diém) Cau hoéi tw luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.
. , Inx
Cau 19: Tim gia tri nho nhat cua ham s6: g(X) = — trén doan [1;4}.
X

Trinh bay:



1-Inx
XZ
Khi d9, trén doan [1;4]: g'(x)=0 khi x=e.
90 =0,g(e) == g4y =4 -1"2,
e 4 2
Vay r[rllil?g(x)=0tai x=1.

Ta cé: g'(x) =

Cau 20: Mot mang nudc mua duoc lam tir mot tdm ton rong 45 cm bﬁng cach gap hai phia cua tam

A s . 4 4 \‘/ l A~ A /4 \ A 14
ton véi kich thudc bang § tam ton sao cho no tao thanh mot goc X.

N/

-~ 15 cm -4 15 c=— =15 cnro

Hoi phai chon X bang bao nhiéu d6 d¢ méng chita dwoc lwong nuede mua t&i da?
Trinh bay:

Loi gidi:
D d Cc

- 15 cm-s~—a 15 cnrd=—=—15 cryrd>
M3t cat ngang cia mang nuwdc mua 1a hinh thang can ABCD nhu hinh vé.
Dé thay X e [0°;180°] .
bé méng nudc chira dwgce lwong nwdec mua tdi da thi dién tich ABCD la 16n nhat.
Ké AH L CD,H €CD.

Vi AB //CD nén D =x.

Suy ra AH = AD.sin D =15.sinx, DH = AD.cos D =15.cosx.
Tacé: CD=AB+2.DH (vi ABCD la hinh thang can)
=15+2.15.cos x

=15+30.cos x.

Spscp = %.(AB +CD).AH = %.(15 +15+30.c0s x).15sin x

= 225(sin x+%sin ZXj = f(x).

Ta cé: f'(x)=225(cosx+C0S2X).

cosx=-1

f'(x)=0< cosx+cos2x =0« 2c0s* X +cosXx—1=0 <
COSX =

N |-



Cau 21:

X =180°

=1 600 (vi x €[0°;180°]).
67543 6753

7 f (1800) =0 nén dién tich ABCD 16n nhét la 2 khi

Vi £(0°)=0, f(60°)=

X =60°.

M6t man hinh BC ¢6 chiéu cao 1,4m dwoc dat th:fmg diing va mép dudi cua man hinh cach
mat dat mot khoang BA=1,8m. Mot chiéc den quan sat man hinh dwogc ddt ¢ vi tri O trén
mat dat. Hay xac dinh khoang cach AO sao cho géc quan sat BOC 1a 16n nhit.

Ldm |

Loi giai:
Pat OA=x (m) véi x>0
tan AOC —tan AOB

Ta cé: tanBOC = tan (Aoc - AOB) -

1+tan AOC.tan AOB
AC AB 14
_OA OA _  x _ 14
2

14 AC.AZ\B 14 3,2.21,8 X° +5,76
OA X
Dé gbéc quan sat BOC 16n nhat thi tan BOC 16n nhat.

Xét ham so f(X):zl'i vGi X >0.
X“+5,76
~1,4x*+1,4.5,76

TacéhamsG f(x) lién tuc trén (0;+00) va f'(x)= —, f'(X)=0=x=%2,4
(x*+5,76)
Lap bang bién thién cia ham s8 f (x) trén khoang (0;+c0) thita co f(x) dat gia tri 16n nhat
tai Xx=2,4.
Vay AO=2,4 m thi géc quan sat BOC 16n nhat.
HET
Hué, 10h20’ Ngay 15 thdang 5 nam 2025
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Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y clia

. uy thiy co cung cdc em hoc sinh! Xin chdn thanh cam on!
PHAN I. “ Cau trac nghiém véi nhiéu phuong an lwa chon. Thi sinh trd 10i tie cdu 1 dén cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.
Cau 1: Chohamsé y=f (x) xac dinh, lién tuc trén R va cd bang bién thién nhu sau:

X |- 1 2 | o

fix) 3 ; 5"
| . / g ot
Gia trj 16n nhét cia ham s8 y = f(x)trén doan [0;2 ] bang
A. 1. B. 3. C.0. D. 2.
Cau 2: Chohamso f (X) lién tuc trén [—1; 5] va ¢ d6 thi trén doan [—1; 5] nhw hinh vé bén dwdi:

Goi M,m Ian luwot la gid tri 16n nhat va gia tri nho nhat ctia ham s6 y = f (X) trén doan
[-15]. Tinh m-2M.
A. 2. B.O. C. -8. D. 4.

Cau 3: Choham sd f(x)co dao ham trén R la ham s f '(x). Biét d6 thi ham s6 f '(x) dwgc cho nhw
hinh vé bén dudi. Trén doan [0;1] gia tri nho nhat cia ham s6 f(x) la

”I/‘\ /
0 1/3 1 T

A. £(0). B. f(1).

@]

—_
VR
w|
N—
w|



Cau

Cau

4.

10:

Choham s y = f (x) xdc dinh va lién tyc trén khoang (-5;3), lim f(X)=—8, lim f(X)=2

+

x—(-5) X—3
va cd bang bién thién nhu sau:
x | -5 -1 0 3

0 - 0 +
0

2
-

Ménh dé nao dudi day sai?

A. Ham s6 khong c6 gia tri nho nhat trén khoang (—5; 3) .

B. Gi4 tri cuc dai cia ham s6 bf?mg 0.

C. Gia tri 16n nhét ctia ham s6 trén khoang (—5; 3) bang 2.

D. Gia tri cuc tiéu cua ham s6 bf?mg 2.

Mot vat duoc phong théng dung lén trén tit d¢ cao 2m voéi van toc ban dau la 24,5m/s.
Trong Vat 1i, ta biét rang khi bo qua stic can ctia khong khi thi d6 cao h (mét) ctia vat sau t
(gidy) duoc cho béi cong thiec h(t) = 2+ 24,5t —4,9%°. Sau bao nhiéu giay thi vat dat d6 cao
16n nhat?

A. 5. B. 3. C. 4. D. 2,5.
- R e e X XA
Ki hiéu M va m lan luot la gia tri lon nhat, gia tri nho nhat ctia ham s6 y = 1 trén
X+

7 .7 . 2 2 ~ M

doan [0; 3] . Tinh gia tri ctia ti s6 —.
m
A.ﬂ. B.E C. 2. D.z.
3 3 3

Biét gi4 tri nho nhat ctia ham s8 y =e* —5e* +2x trén doan [O; 2] c6 dang aln2 —b,(a;b S N),
tinh a+b.

A.12. B. 6. C. 8. D. 10.
Gia tri 16n nhat ham s y = x* —4x* +5trén [-2;3]1a
A.122. B. 1. C.5. D. 50.

2

Cé bao nhiéu gia tri nguyén duong cua tham s6 m dé€ ham s y = o gia tri nho nhat
trén doan [0;1] bang —4?

A. 1. B. 2. C. 0. D. V6 s6.

Cho ham s6 y=f (X) c6 dao ham f'(X) tai moi X R. DO thi cia ham s6 Y = f’(x) duwoc

cho nhu hinh vé dwdi day:
/ T




Biét rang f (O)+ f (3): f (2)+ f (5) Tim gid tri I6n nhat cua y = f (X) trén doan [0;5].
A. max f (x)=f(5). B. rR%?(f(x): f(0). C. rB%i(f(x): f(2). D. r[rcll;aS?(f(x):f(B).

[0:5]
Cau 11: Cho mot tim nhdm hinh chi nhat c6 kich thudc 15cmx 24cm . Nguoi ta cat bo 4 goc ctia tim
ton 4 miéng hinh vuong béng nhau r6i go lai thanh mét hinh hdp ch nhat khong co nép. bé
thé tich cta hinh hop do6 16n nhat thi d§ dai canh hinh vudng ctia cac miéng ton bi cit bo

béng
A. 3cm. B. 4cm. C. 5cm. D. 2cm.
Cau 12: Chohams6 y = f(x) lién tuc trén [-1;5] va c6 d6 thi nhu hinh vé bén dudi:
y
il . —
1

_1'/ \ 2 | |

Fo

Goi M;m Ian luot 1a gia tri 16n nhat va nho nhat ciaham s6 y = f (X2 —2X+ 4) trén doan

[0;:2]. Khi d6 M +m bing .
‘ A.5. B. 6. C. 4. D. 8.
PHAN II. (2,0 diém) Cau trac nghiém duing sai. Thi sinh trd 1oi tie cdu 13 dén cdu 14. Trong mbi  a), b), c),
d) & mdi cdu, thi sinh chon diing hodc sai (dién dau X vao 6 chon)
Cau 13: Chohamsd y=f(x)=x-3x+4 va y=0g(x)=3x+1.
Khang dinh Dung Sai
a) | Gié tri nho nhat ctia ham s8 g (X) trén doan [-2;1] 1a 1.

b) | Gia tri 16n nhat ctia ham so f (X) trén doan [0;2] 1a 3.

¢) | Ham s8 y=f(x)+g(x) dat gia tri 16n nhat va gia tri
nho nhét trén doan [-1;1] lan luot tai x, =-1; x, =1.
d) | V6i m latham s6 dwong. D€ min_f(x)=6 thi m=1.

[m+1;m+2]

Cau 14: Mot cong ty san xuat dung cu thé thao nhan dwgc mot don dat hang san xudt 8000 qua bong
tennis. Cong ty nay so hitu mot s6 may moc, mdi may co thé san xuat 30 qua béng trong mot
gio. Chi phi thiét 1ap cac may nay 1a 200 nghin dong cho mdi mdy. Khi dwoc thiét 1ap, hoat
dong san xudt sé hoan toan dién ra ty dong dwdi sy gidm sat (nguwoi giam sat sé gidm sat tat
ca cdc mdy). SO tién phai tra cho nguoi giam sat la 192 nghin dong mét gio.
Khang dinh Dung Sai
a) | Trong 1 gio, can 266 mdy dé€ san xuat duoc 8000 qua
bong tennis.

b) Trong % gio, can 100 may dé€ san xudt dwoc 8000 qua
boéng tennis.

c) | Chi phi hoat dong thap nhat la 64 triéu dong.

d) | D€ chi phi hoat dong thap nhat, cong ty can st dung 16
may.




PHAN I11. (2,0 dién) Cau tric nghiém tra 10i ngan. Thi sinh trd loi tie cdu 15 déh cdu 18.

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Mot con tau tiép can Mit Trang theo cach tiép can thang ding va d6t chay cac tén lita ham &
do cao 252 km so véi bé mdt ctia Mat Trang, trong khoang 50 gidy dau tién ké tir khi dot
chay cac tén ltra ham, d¢ cao h ctia con tau so véi bé mat cia Mat Trang dugc tinh (gan dang)
bdi ham sd cho boi cong thic h(t) =-0,01t* +1,1t* - 30t +252, trong do t la thoi gian tinh
bang gidy va h la do cao tinh bang kilémét. Khoang cach nhé nhét ctia con tau so véi bé mat
ctia Mit Trang la bao nhiéu kilomét khi t e [0,50) (lam tron két qua dén hang phén chuc)

Két qua —
Trinh bay:

Gia st doanh s6 (tinh bang s8 san phdm) ctia mot san phdm mdéi (trong vong mot s6 nam
nhat dinh) tuan theo quy luat logistic duwoc md hinh hoa bang ham
, 5000
so f (1) = ,
® 1+5e™
phdm méi. Khi d6, dao ham f '(t) sé biéu thi tdc dd ban hang. Biét sau khi phat hanh khoang

sonam la t=Ina thi tdc d6 ban hang 1a 16n nhat. Tim gia tri cua a.
Ké qui E—

Trinh bay:

t>0,trong d6 thoi gian t duoc tinh bang nam, k& tir khi phat hanh san

’ 2 - 3 N 2 A% . 4 \ A 7
Cho ham s8 y=""— ¢4 dd thi (C). Goi M 1a mot diém thudc db thi (C) 6 hoanh dd Ion
x —

hon 2 sao cho tiép tuyén tai M cua d6 thi (C) cat hai dwong tiém can cta d6 thi (C ) tai hai
diém A, B théaman AB ngan nhat. Khi d6 tdng hoanh d6 va tung d6 ctia diém M bang
Trinh bay:

Cé hai xa cung & mét bén bo sdng. Nguoi ta do duge khoang céch tir trung tam A, B cta hai
xa d6 dén bo song lan lwgt 1a AA"=500m; BB’ =600m; A'B' =2200m.



B

S500m 600 m

22200m ...y

Céc ki st mudn xay mot tram cung c&p nudc sach ndam bén bo song cho nguoi dan hai xa. D&
tiét kiém chi phi, cac ki su can phai chon vi tri M cta tram cung c&p nuwde sach d6 trén doan
A'B’ sao cho tong khoang cach tir hai vi tri A,B dén vi tri M la nho nhét. Hoi tdng khoang
cach do co gia tri nho nhét la bao nhiéu mét (lam tron dén hang don vi).
Két qui E—
Trinh bay:

PHAN 1V. (3,0 diém) Cau héi tw luan. Thi sinh trd 10i tie cdu 19 dén cdu 21.

Cau 19: Tim gia tri nho nhat cua ham sd y =2" -4xIn2 trén doan [0; 4].
Trinh bay:

N

dang hinh thang can ABCD nhu trong hinh vé. Khu vueon ¢6 3 mét rao, mét con lai tiép giap
v6i bo song nén khong can rao. Hoi dién tich 1on nhdt ma bac nong dan co thé rao dugc la
bao nhiéu mét vudng?

A 7 A A I3 A~ 7. 7 Re (A N e 700 N A \ A \ 7
Cau 20: Bacnong dan co6 ba tam ludi thép B40, mai tam dai /— (m) va muodn rao mot khu vuweon cé




Cau 21:

Nguoi ta mudn xdy mét céi bé hinh hop dimg c6 thé tich V =18 (m®), biét day bé 1a hinh chit
nhat c6 chiéu dai gdp 3 Ian chiéu rong va bé khong c6 nap. Hoi can xay bé cé chiéu cao h
bang bao nhiéu mét &€ nguyén vat liéu xay dung la it nhat?
Trinh bay:
HET
Hué, 10h20’ Ngdy 15 thdang 5 nam 2025
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’ o TRAC NGHIEM CHUYEN BE
Mén: To:in 12 - KNTT

GIA TRI LON NHAT VA GIA TRI NHO NHAT

CUA HAM $6
Dinh hwé'ng cdu tric 2025+

PHAN 1. (3,0 diém) Cau tric nghiém v6i nhiéu phwong an lya chon. Thi sinh trd I0i tie cdu 1 déh cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.

Cau 1: Chohamsd y=f (x) xac dinh, lién tuc trén R va cd bang bién thién nhu sau:

| DE ON TAP 5O 04_TrNg 2025

X |- 1 2 | o

fix) 3 ; 5"
| . / g ot
Gia trj 16n nhét cia ham s8 y = f(x)trén doan [0;2 ] bang
A. 1. B. 3. C.0. D. 2.
Loi gidi:
Duya vao bang bién thién ta thdy trén doan [0;2] gié tri 16n nhat ctia ham s y = f(x) bang3.
Cau 2: Chohamso f (X) lién tuc trén [—1; 5] va ¢ d6 thi trén doan [—1; 5] nhw hinh vé bén dwdi:

3

s

1
o
l

1

Goi M,m Ian luwot la gid tri 16n nhat va gia tri nho nhat ctia ham s6 y = f (X) trén doan
[-1,5]. Tinh m—-2M.

A. 2. B. 0. C. -8. D. 4.

Loi giai:

M = r{T_]las)f f(x)=3
m=min f (x)=-2

[-15]

Tt d6 thi ta thay =>m-2M =-2-6=-8.

Cau 3: Choham s6 f(x)co dao ham trén R 1a ham s& f '(x). Biét d6 thi ham s6 f '(x) dwoc cho nhw
hinh vé bén dudi. Trén doan [0;1] gia tri nho nhat cia ham s6 f(x) la



Cau 4:

Cau 5:

Ménh dé nao dudi day sai?

0 1/3 1 r

A. f(0). B. f(1).

(@)
—_
7\
w |
N—
w|

Loi giai:
Twr gia thiét suy ra f'(x)>0 Vx €[0;1] =ham s§ f (x) dong bién trén doan [0;1] nén no dat
GTNN la f(0) tai x=0.

Cho ham s8 y = f (x) xdc dinh va lién tuc trén khoang (-5;3), lim f(x)=-8, lim f (x)=2

+

x—(-5) X—3
va cd bang bién thién nhu sau:
| x ‘ -$ -1 0 3

-

0 - 0 +
0

2
-

A. Ham s6 khong c6 gia tri nho nhat trén khoang (—5; 3) :

B. Gi4 tri cuc dai cia ham s6 béng 0.

C. Gi4 tri 16n nhéat cia ham s6 trén khoang (—5; 3) bang 2.

D. Gi4 tri cuec tiéu ctia ham s& bang —2.

Mot vat duoc phéng thang ding 1én trén tit d6 cao 2m véi van tdc ban dau la 24,5m/s.
Trong Vat li, ta biét rang khi bo qua sttc can ctia khong khi thi ¢ cao h (mét) ctia vat sau t
(gidy) dugc cho boi cong thiee h(t) =2+ 24,5t — 4,9*. Sau bao nhiéu giay thi vat dat do cao
16n nhat?

A.5. B. 3. C. 4. D. 2,5.

Loi giai:
Xét ham s&: h(t) = 2+ 24,5t —4,9t°.
Tap xac dinh cia ham s61a R .

Ta co: h'(t):—9,8t+24,5;h'(t):0c>—9,8t+24,5:0<:>t:g

Bang bién thién:

5
2
R(t) + 0 -

h(t) / ° \
— o0 — o0




AY 2 - AN - A 14 \ ~ . . 5
Tt bang bién thién ta cd: ham so dat cyec dai tai t = >

Vay thoi diém vat dat d6 caolonnhdtla t = g =2,5 giay.

2
Cau 6 Kihidu M va m Ian Twot 13 gid tri 16n nhét, gid tri nho nhat ctia ham 8 y =X+ yen
Xx+1
doan [0; 3] . Tinh gia tri cta ti s6 M )
m
A.ﬂ. B.§. C. 2. D.g.
3 3 3
Loi gidi:
2
Xétham so y = X tx+4 trén doan [0;3].
X+1
2 _ x=1€|0;3
Tacor y = X228 o | ¥=1el03)
(x+1) x=-3¢[0;3]
Ta co: f(0)=4; f (1)=3; f (3)=4.
N . M 4
Nén m=min f (x)=3M =max f (x)=4=>—=—.
[0:3] [0:3] m 3
Cau 7: Biét gia tri nhé nhat ctia ham s6 y =e”* —5e* + 2x trén doan [0; 2] c6 dang aln2—b,(a;b eN),
tinh a+b.
A.12. B. 6. C. 8. D. 10.
Loi gidi:
Xét ham s6 y =e* —5e¢* + 2x trén doan [0;2].
, x=-In2¢[0;2]
Tacd: y=2e*-5e"+2=0<
x=In2e[0;2]

y(0)=-4;y(In2)=2In2-6;y(2)=e*-5£°+4.
Gia tri nho nhat ctia ham s6 trén doan [0; 2] bang 2In2-6 tai x=1In2.
Suyra a=2;b=6——>a+b=38.

Cau 8  Gid tri 16n nhat ham s8 y = X* —4x* +5trén [-2;3]1a
A. 122, B. 1. C. 5. D. 50.
Loi giai:

Do: f(v/2)=1; f(—/2)=1; f(0)=5; f (-2) =5; f (3) =50.
Suy ra gia tri 16n nhat ciia ham s y = X* —4x° +5trén [—2;3] la 50 tai x=3.

2

, AL ~ X L et o Tn LA
Cau 9: Co6 bao nhiéu gia tri nguyén dwong cta tham s60 m dé ham s6 Yy = c6 gia tri nho nhat
trén doan [0;1] bang —4?
A. 1. B. 2. C. 0. D. Vb s6.



Cau 10:

Cau 11:

Loi giai:
X — 2
Xéthamso y =
X+1

1+m?

trén doan [0; 1].

Taco: Yy =

> >0, VXx#—1. Suy ra ham s& dong bién trén tiing khoang xac dinh.

(x+1)

Suy ra ham s& dong bién trén doan [0;1]. Do do, ta cé:
: m=2
miny=-4 < y(0)=—4 < -m"=-4 c{

[01] m=-2 .

Cho ham s6 Y= f(X) c6 dao ham f'(X) tai moi xeR. D0 thi ctia ham s0 Yy = f’(X) duoc

cho nhw hinh vé dudi day:
/ T

0 2 )

Biét rang f(0)+ f(3)=f(2)+ f(5). Tim gi4 tri 16n nhat ctia y = f (X) trén doan [0;5].
A. max f (x)=f(5). B.maxf(x)="f(0). C rB%i(f(x): f(2). D. max f(x)=f(3).

] [0:5] [0;5]
Loi gidi:
Ta c6 bang bién thién ctia ham s§ y = f (X) trén doan [0; 5]

< 0 2 )

fiiz} o - (0 +

f(0
f(z) \ /

£(2)

I(5)

T bang bién thién ta thay %“5? f(x)="f(2);f(2)<f(3)

Ma f(0)+f(3)="f(2)+f(5) nén f(5)> f(0)
Vay rB%?(f(x)z f(5).

Cho mdt t&ém nhoém hinh chit nhat c6 kich thwdc 15cmx 24cm . Nguoi ta cat bd 4 goc ctia tam
ton 4 miéng hinh vuong bf?mg nhau r6i go lai thanh mét hinh hop ch@ nhat khong co ne”'lp. Dé
thé tich cua hinh hép d6 16n nhat thi d6 dai canh hinh vudng ctia cac miéng ton bi cit bd
béng

A. 3cm. B. 4cm. C. 5cm. D. 2cm.

Loi gigi:



Cau 12:

15

| .

24
Gia str d6 dai canh hinh vudng ctia cdc miéng ton bi cat bo bang x (0 < 2x <15« 0< x < E) .
Khi d6 hinh hdp chit nhat c6 chiéu cao bang x, chiéu rong bang 15— 2x va chiéu dai bang
24— 2x.. Suy ra hinh hop chir nhat c6 thé tich V = x(15-2x)(24 - 2x) = 4x’ - 78x’ + 360X .
Xétham f(x)=4x"-78x"+360x trén (0%}

x=3
f’(x)=12x* —156x+360=0 < . Bang bién thién ham s§ f (X) trén 0;E :
x=10 2

15
x o 3 —

2
+ 0 -

4 4 .7 . 7 A, A 15 . \ A
Duwa vao bang bién thién ta cd ham so dat gia tri Ilén nhat trén (0; ?j tai X =3 hay hinh hop

chit nhat c6 thé tich 16n nhat khi d§ dai canh hinh vudng ctia miéng ton bi cat bo bang 3 cm.
Cho ham s6 y = f (x) lién tuc trén [-1;5] va c6 d thi nhu hinh vé bén dudi:

13

7;2,/\\
J IO\ 1134 S5\ x
§ "%

Goi M;m Ian luot Ia gid tri 16n nhat va nho nhat ctia ham s§ y = f (X* —2x+4) trén doan
[0;2]. Khi d6 M +m bang .

A.5. B.6. C. 4. D. 8.

Loi gigi:

Dit t=x*—2x+4 ; Ham s§ y =t(x) lién tuc trén [0;2]

t'=2x-2; t'=0< x=1€[0;2]; t(0)=4; t(1)=3; t(2)=4,suyra t[3;4]




Khi d6tacohamsG y = f(t); te[3;4].
Tt d6 thi ham s& ta thdy m=min f (t)=LM =max f (t)=3=M +m=4.
te[3:4] te[3:4]
PHAN I1. (2,0 diém) Cau tric nghiém dtng sai. Thi sinh trd 10i tir cdu 13 dén cdu 14. Trong mbi  a), b), ¢),
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vao 6 chon)
Cau 13: Chohamsd y=f(x)=x-3x+4 va y=g(x)=3x+1.
Khéng dinh Dung Sai

a) | Gié tri nho nhat ctia ham s8 g(X) trén doan [-2;1] 1a 1.
b) | Gia tri 16n nhat cia ham sd f (X) trén doan [0; 2] la 3.
¢) |Ham so y=f (X)+g(X) dat gia tri 16n nhat va gia tri

nho nhét trén doan [-1;1] lan luot tai x, =-1; x, =1.
d) | V6i m latham s6 dwong. D€ min_f(x)=6 thi m=1.

[m+1;m+2]

Loi gidi:
| a)Sa | b) Sai | ¢) Sai | d)bung |
a) Sai.
Xét ham so ¢ (X) =3X+1 trén doan [—2;1] .
Véimoi X e [—2;1] ,tacd ¢ (X) =3X+1>-5; mat khac g (—2) =-5,
Do d6 r[yzi{]} g(x)=-5.Vay r[yzi;{]] g(x)=-5.

b) Sai.
Tacéd y'=3x*-3.
x=-1¢[0;2]
y'=0&
x=1€[0;2]

Tacé: y(0)=4; y(1)=2; y(2)=6. Vay r{g%(f(x):a.
¢) Sai.
Tacd y=f(X)+g(x)=x"+5; y'=3x".
y'=0<x=0e[-11].
Tacé: y(-1)=4; y(1)=6; y(0)=5.
Dodoé maxy==6tai Xx=1va miny=4tai x=-1.

[-11] [-11]

d) bung.
Tacdé m>0 suy ra m+1>1. Do d6 trén doan [m+1;m+2] ham s& y = f (x) luén dong bién.

Khi d6 min ]y:(m+1)3—3(m+1)+4.

[m+L;m+2

Yéu caubai toan min f(x)=6 < (m+1)’~3(m+1)-2=0

[m+Lm-+2]

m=1

m=-2"
Két hgp diéu kién m >0 ta dwoc m=1.

Cau 14: Mot cdng ty san xuat dung cu thé thao nhan duoc mot don dat hang san xuat 8000 qua béng
tennis. Cong ty nay so httu mot s6 mdy mdc, moi may cd thé san xuat 30 qua bong trong mot

<:>m3+3m2—4=0<:{



gi0. Chi phi thiét 1dp cac mday nay la 200 nghin dong cho moi may. Khi duoc thiét 1ap, hoat
dong san xuat sé hoan toan dién ra ty dong dudi su gidm sat (nguoi gidm sat sé giam sat tat
ca cac may). SO tién phai tra cho ngwoi gidm sat la 192 nghin déng mét gio.
Khéng dinh Dung Sai
a) | Trong 1 gio, can 266 may dé€ san xuat duwoc 8000 qua
bong tennis.

b) Trong g gio, can 100 may dé san xudt dwoc 8000 qua
boéng tennis.
c) | Chi phi hoat dong thap nhat la 64 triéu dong.
d) | D€ chi phi hoat dong thap nhat, cong ty can st dung 16
may.
Loi gidi:

‘ a) Sai ‘ b) Bung | ¢) Sai ‘ d) bang ‘
a) Sai

Trong 1 gio, can % = 266,67 may, tic 1a can tdi thi€éu 267 may dé san xudt duoc 8000 qua
bong tennis.
b) Pung

Trong 8 gio, can % =100 mady d€ san xudt duoc 8000 qua bong tennis.

30.—
3

¢) Sai
Goi s6 may moc 1a X, goi s6 gio hoat dong la y .

Can san suat 8000 qua béng tennis: 30.x.y =8000= y = ?
X

Chi phi hoat dong la: 200x +192.E;ﬂ =200x + >1200 > 24/200.51200 = 6400 (nghin dong)
X X

Vay chi phi hoat dong thap nhat 1a 6,4 triéu

d) bung

51200
X

PHAN I11. (2,0 dién) Cau tric nghiém tra 10i ngén. Thi sinh trd 1i tie céu 15 déh cdu 18.

Cau 15: Mot con tau tiép can Mat Trang theo cach tiép can thang diing va d6t chay cac tén ltta ham &
dd cao 252 km so voi bé mit cua Mit Trang, trong khoang 50 gidy dau tién ké tir khi d6t
chay cac tén Itra ham, d¢ cao h cta con tau so v6i bé mat caa Mat Trang duoc tinh (gan dung)
bdi ham s6 cho béi cong thire h(t) =-0,01t> +1,1t* —30t +252, trong d6 t 1a thoi gian tinh

bang gidy va h 1a do cao tinh bang kilémét. Khoang cach nhé nhét ctia con tau so véi bé mat

< x? =256 < x =16.

Ddu “=" xay ra < 200x =

ctia Mt Trang la bao nhiéu kilomét khi te [0,50) (lam tron két qua dén hang phan chuc)

et quis
Trinh bay:



Cau 16:

Loi giai:
h(t) =-0,01t®+1,1t* - 30t +252

t~55(L

:h'(t) =—O,03t2+2,2t—30=O:>L 18((N)
x| 0 15 50
¥ - 0 + 0

L

252 \ 252
y 1008 —

Vay khoang cach nho nhat la: 10.

Gia st doanh s (tinh bang s8 san phdm) ctia mot san phdm mdéi (trong vong mot s6 nam
nhat dinh) tuan theo quy luat logistic duwoc md hinh hoa bang ham
N 5000
IOt
phdm méi. Khi d6, dao ham f '(t) sé biéu thi tdc dd ban hang. Biét sau khi phat hanh khoang

sonam la t=Ina thi tdc d6 ban hang la 16n nhat. Tim gia tri cua a.
Két qua:

Trinh bay:

t>0,trong d6 thoi gian t duoc tinh bang nam, k& tir khi phat hanh san

e
Tacs 10— ~5000(1+ 5c=2.=t ) _ 25000eft2
(1+5¢™) (1+5e™)

T6c d6 ban hang la 16n nhat khi f'(t) 16n nhat.

Pt h(t) = &Oe; .
(1+ 5e" )
() - ~25000e ™ (1+5¢ ) —2-(~5e)-(L+5e ) 25000e "
(1+ 5e" )4
~25000¢ * (1+5e*)(1+5e ' —10e™*) —25000e " (1-5e ")
) (1+5e) ) (1+5e)
—~25000e " (1-5¢ )

N(t)=0c

- =O<:>1—5e’t:0<:>e":l<:>tzln5(tm)
(1+5e‘t) 5

Ta cé bang bién thién vai t € [0; +0):



Cau 17:

+ 10 In5 0
h'(t) - 0 i
1250 _
o o

Vay sau khi phat hanh khoang In5 1,6 nam thi thi t6c d6 ban hang la 16n nhat.
Vay a=5.

Choham s6 y= 2x

- 3 AV.N . . \ A .« A? A NA . 14 \ A /4
c6 d6 thi (C ) Goi M la mot diém thuoc do thi (C) c6 hoanh d0 16n
x —

hon 2 sao cho tiép tuyén tai M cua do thi (C) cit hai duong tiém can cua do thi (C ) tai hai
diém A, B théa man AB ngan nhat. Khi d6 tong hoanh d6 va tung d6 ctia diém M bang
Két qua: II’
Trinh bay:
Loi gidi:
Tap xac dinh: D =R\ {2} )

, 1
y ==

(-2

Do thi (C ) c6 duong tiém can ngang y =2, tiém can ding x=2.

Lay diém M(xo;yo)e(C) suy ra M(xo;2+xol_2j.

1 1
—z(x—x0)+2+x —

(xo —2) 0

Tiép tuyén (d ) tai M cua (C ) c6 phuong trinh: y = —

Giao diém cua (d) voéi tiém can dung la A(2;2 + 2 2) .
X, —

Giao diém ctia (d ) vOi tiém can ngang la B (2x0 - 2;2) .

Tacé: AB* =4(x —2) +—— —a|(x —2) +— 1|53
e (L R

A M i . 2 » . 2 1 XO :l
Dau bang xay ra khi va chi khi (xo - 2) =— .
x,=3
(%-2)

Do diém M c6hoanh dd 1én hon 2 nén ta co M(3;3).



Khi d6 tong hoanh d¢ va tung do ctia diém M tim duocla: 3+3=6.
Cau 18: Co hai xa cung 6 mot bén bo song. Nguoi ta do duge khoang cach tir trung tam A, B cta hai
xa d6 dén bo song lan lwgt 1a AA"=500m; BB’ =600m; A'B'=2200m.

i3
y

\ //

L\

S500m \\ : 6GOO m
\
< \ : ,n‘ Um >
¢
\ ‘i n' /\‘l

Cac ki su mudn xay mot tram cung cdp nuée sach nam bén bo séng cho ngredi dan hai xa. D&
tiét kiém chi phi, cac ki sw can phai chon vi tri M cta tram cung cdp nuwde sach d6 trén doan
A'B’ sao cho tong khoang cach tir hai vi tri A,B dén vi tri M la nho nhét. Hoi tdng khoang
cach do cd gia tri nhé nhat la bao nhiéu mét (lam tron dén hang don vi).

Két qua: | 2460

Loi giai:

bat AM =x (m).

Suy ra B'M = A'B'— A’'M =2200-x (m) vdi 0 < x <2200
Ap dung dinh i Pythagore ta tinh duoc:

AM =/ AA? + A'M? =+/5002 + X2

BM =/BB” + BM? = /6007 +(2200— x)’

Tong khoang cach ttr hai vitri A,B dénvitri M la
D = AM +BM =+/5007 + X +,/600° + (2200 x’
Xét ham s D(x)=+/500" + X* + \/6002 +(2200-x)* v6i 0< x <2200

, X x—2200
= D'(x)= ——+ -
V500 +X° 6007 +(2200~X)
= D'(X) =0 ——0 X220 _ g x=1000

+
V5007 +x* /600 +(2200— )’

Bang bién thién cia ham s6 D (X)nhw sau:



X 0 1 000 2200
D'(x) - 0 +
500+ 200130 600 +100~/509

D(x)

" 110045

Can ct vao bang bién thién, ta thdy ham s6 D (X) dat gia tri nho nhat bz\“mg 1100+/5 tai
x =1000.
~ Vay gia tri nho nhat cta tdng khoang céch can tim 1a 1100~/5 ~ 2460 m.
PHAN IV. (3,0 diém) Cau héi tw luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.
Cau 19: Tim gia tri nho nhat cua ham sd y =2" —4xIn2 trén doan [0; 4].

Trinh bay:

Loi gidi:

Xét ham s6 y =2 —4xIn 2 trén doan [0;4].

Tacod: y'=2"In2-4In2; y'=0& 2" In2-4In2=0< x=2¢<[0;4].

Bang bién thién:

x |0 2 4
V' - 0 +
1 16—161n2
.
y
F
4—-8In2

Gia tri nho nhat cia ham s6 trén doan [0; 4] bang 4-8In2 tai x=2.

A 7 A A 7 A~ 7. 7 Re A7 N 700 A A \ A \ 7
Cau 20: Bac ndng dan co6 ba tam ludi thép B40, moi tam dai /E (m) va muén rao mot khu vueon c6
dang hinh thang can ABCD nhu trong hinh vé. Khu vueeon ¢6 3 mét rao, mét con lai tiép giap
véi bo sdng nén khong can rao. Hoi dién tich 16n nhdt ma bac nong dan cé thé rao duoc la

bao nhiéu mét vudng?



Goi a= 00 (m). Dung céc dudng cao AE va BF cta hinh thang cin ABCD nhu hinh vé

J3
trén.

Vi ABCD la hinh thang can nén DE =FC va EF = AB=a.
b4t DE =FC =x (x>0).Tac6 DC=DE+EF +FC =x+a+x=2x+a

Ta c6 AE =+/AD? —DE? =+/a? —
Ta thdy, x phai thdéa man diéu kién 0<x<a.




Cau 21:

Dién tich cuia hinh thang can ABCD 1Ia

S_2(AB+CD)AE_;(a+2x+a)\/a2—x2 ~(a+x)Vai—x?
Xéthams6 S(x)=(a+x)va’—x* véi xe(0;a).

. —2x* —ax+a’
=3 (x):T
a —X
2 2
:SI(X):OQM:OQ_ZXZ_@('F&Z=0<:>(X+a)(a—2x):0c> ]
aZ—X2 X:E(n)

Bang bién thién ctia ham s6 S (x)nhuw sau:

S'{Jm) // + : i_ - ////////

\\

Cén ctt vao bang bién thién, ta thdy ham s& S(x) dat gia tri 16n nhat bang

2
3| "2 3
o0 . . 33’3 3
Thay a= |—= vaobiéu thuc =
J3 4

4

Vay béac d6 co thé rao duwge manh vuon ¢ dién tich 16n nhatla 525 m?.

32’3 . a
tar X=—

=525

Nguoi ta mudn xay mot cai bé hinh hop ding c6 thé tich V =18 (m3 ) , biét day bé la hinh chi
nhat c6 chigu dai gdp 3 Tan chiéu rong va bé khong c6 nap. Hoi can xay bé cé chiéu cao h
bang bao nhiéu mét d& nguyén vat liéu xay dung la it nhat?

Trinh bay:

Loi giai
Goi X (X >0) la chiéu rong hinh chit nhat ddy b€, suy ra chiéu dai hinh chit nhat day bé'la 3x.
V =hx3x=h3x’=18 = h= 182 :%.

3X° X

Goi P la dién tich xung quanh cong véi dién tich mot day bé caa hinh hgp chit nhat.
Nguyén vat liéu it nhat khi P nho nhat.



P = 2hx + 2.h.3x + 3x* = 2.%.x+2.%.3x+3x2 :4—8+3x2.

X X X
Pat f(x):4—8+3x2, (x>0).
X
Tacéham sG f (x) lién tuc trén (0;+0) va

f’(x):%"zg+6x, f'(x)zoc%‘f+6x:0c>x3:8c>x:2.

Bang bién thién:

x 0

[ ]

+x

fix) - 0 +

£(x) \ 5 /

Suy ra vat liéu it nhat khi h= % :g:g(m).
X

HET
Hué, 10h20’ Ngdy 15 thdng 5 ndm 2025
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Lép Toan thidy LE BA BAO

Truong THPT Ding Huy Tr SDT: 0935.785.115 Facebook: Lé Ba Bao

116/04 Nguyén L6 Trach, TP Hué Trunﬁ tam Km10- Huong Tra — Hué

Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y ciia

uy thiy cd cung cac em hoc sinh! Xin chan thanh cam on!
W z
PHAN L “ Cau trac nghiém véi nhiéu phwong an lya chon. Thi sinh trd loi tir cdu 1 dén cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.

Caul:

Cau 2:

Cau 3:

Cau 4:

Choham s6 y=f (x) lién tuc trén R thdéa man gid tri 16n nhat cia ham s6 trén R la 2024.

Khéang dinh nao sau day ding?

A. f(x) <2024,VxeR. B. f(x) <2024,Vx e R,3x, :f(xo) =2024.
C. f(x)>2024,vxeR. D. f(x)>2024,vxeR,3x,: f(x,)=2024.
Cho ham s6 y = f(x) lién tuc trén R va c6 bang xét ddu dao ham nhu sau:
T |_3c -1 0 1 +00
T

Khéng dinh nao sau day ding?
A. (Ig;liz()f(x) =/(1). B. ({g;ig)f(x) =f(-1).C. r(r_llz}f](f(x) = f(0). D. ({Eig)f(x) = 1(0).

Chohamso y=f (x) xac dinh va lién tuc trén R c6 d6 thi nhw hinh vé bén dwdi:

Goi mva M Tan lwot la gia tri nho nhat va gia tri 16n nhat cia ham sd da cho trén doan
[—2;1]. Ménh dé nao dwdi day la dung?

A m=-5M=0. B.m=-2;M=1. Cm=-5M=-1. D.m=-2;M=-1.

Gia tri nho nhét cia ham s6 y = x* 4 3x” —1 trén doan [ -1;1] béng

A. 3. B. —1. C. 1. D. 2.



Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cho ham s6 y = f(x) lién tuc trén doan {O;%} c6 do thi y = f'(x) nhw hinh vé bén dudi:

B3| =1

7 \/

J .7 . 7 A, A 1 . .« A? \ s . A
Hamso y=f (x) dat gia tri lon nhat trén doan [5;3} tai diém x, nao dudi day ?

A.x,=0. B. x, =3. C.x,=1. D. xo=%.
Cho ham s6 y = f(x) c6 bang bién thién trén doan [-1;3] nhu sau:
x -1 0 1 3
fix)

| N

Gia tri 16n nhat ctia ham s§ da cho trén doan —1;3 béng

A. 1. B. 4. C.0. D. 5.
Gid trj 16n nhat cia ham s8 y =+/4—x" 1a
A.2. B. 0. C.4. D. 1.
Hamsd y=f (x) lién tuc trén R va c6 bang bién thién nhu sau:
x —a0 —4 0 8 +oc
y' — 0 + 0 — 0 +

+o0 9 +20
\f(—4) / \' f(8)/

Bist f(—4)> f(8), khi d6 gia tri nho nhat ctia ham s8 da cho trén R bang
A9, B. f(—4). C. f(8). D. —4.

. \ A \ .« . ’ ~, \ e . A A, » \ A~ 2-x + 1
Goi M va m lan luot la gia tri 16n nhat va gia tri nho nhat cia ham s6 y =
x —

trén doan
[2;4]. Khi d6, M —m bang

A. 3. B. 2. C. 4. D. 2.

Goi S la tap hop tat ca cac gia tri caa tham s6 m dé€ gia tri nho nhadt caa ham s6
y=x"+ (m2 + l)x +m’ +12 trén doan [ 2;8 | bang 25 . Khang dinh nao dudi day dtng?



A.5={+3}. B. S ={+1}. C. S ={+2}. D. §={+5}.

Caull: Cho ham s§ y=f(x) c6 dao ham f'(x)=x(x-2),VxeR. Gi4 tri nhé nhat caa ham s&
y=f(x) trén doan [1;4] bang
A. f(2). B. f(1). C. f(4). D. f(3).

Cau12: Chohamso y=f (x) c6 bang bién thién nhu sau:

X |- -1 3 +00
f'(x) + 0 - 0 +
1 +00
f(x) / \ /
-0 -2
Goi M, m lan luot l1a gia tri 16n nhat va gia tri nho nhat cia hamsd y = f (ZCosx + 1) . Tinh
M+m.
A. -2 B. 1. C. -1 D. 0.

PHAN II. (2,0 diém) Cau tréc nghiém dtng sai. Thi sinh trd 10i tie cdu 13 dén cdu 14. Trong mbi y a), b), c),
d) & mdi cdu, thi sinh chon diing hodc sai (dién dau X vao 6 chon)
Cau13: Chohams6 f(x)=xInx—2x, voi xe(0;+x).

Khang dinh Dung Sai
a) | f(1)=-2; f(4)=8In2-8.
b) Dao ham ctia ham s6 da chola f'(x)= 1 -2.
X

¢) | Nghiém ctia phuwong trinh f'(x)=0 trén [1;4] la x=e.
d) | Gid tri nho nhat ciia ham s6 f(x) trén [1;4] 1a —e.
Cau14: Khi nudi tdbm trong mot ho tuw nhién, mot nha khoa hoc da thong ké duwgc rang: Néu trén mdi
mét vudng mit h6 tha x con tdm gidng thi cudi vu mdi con tdm cb cAn ndng trung binh la
108 — x (gam).

Khang dinh Dung Sai
a) | Diéu kién xac dinh la x> 0.
b) | Sau mot vu lwong tom trung binh trén moi mét vudng

mat ho ty nhién ndng x(108 —x’ )

¢) | P& cudi vu thu hoach duoc nhiéu tdm nhat trén mdi mét
vuong mat ho ty nhién thi can tha 16 con tom giong.

d) | Lwong tom nhiéu nhat cudi vu c6 thé thu hoach dwoc
trén mo6i mét vudng mat ho ty nhién 1a 432 (gam).
PHAN II1. (2,0 diém) Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tiv cdu 15 dén cdu 18.

Cau15: Dau ndm mdi 2025, cdng ty A vira ki hop dong san xuat va cung cdp linh kién theo don dat
hang cua nha may B. Theo hop dong nha mdy B mua khong qua 1500 linh kién, néu sd luong
dat hang 1a x thi gia ban mdi linh kién 1a p(x)=40000-0,01x*> d6ng. Chi phi d€ cong ty san

xudt x linh kién la C(x)=10000000+10000x ddng. Hoi cong ty A nén san xuat va cung cap

bao nhiéu linh kién cho nha mdy B d€ thu dwoc 1oi nhudn 16n nhat?

Két qui E—

Trinh bay:



Cau 16:

Cau17:

Cau 18:

Thay A tham du giai "Pi b truc tuyén Nganh Gido duc va Dao tao Edu Run-HCMC" nam
2024. Quang duong thay A di duoc biéu dién bang ham s& s(t)=at’ +bt* +ct+d (v6i a#0)
c6 d6 thi nhu hinh bén dudi (trong d6 ¢ 1a thoi gian tinh bﬁng gio, s la quang duong tinh
béng km).

s (km)

30

] e e

N

18

12 |-t

t(h)

i
1
1
1
1
1
:
1
1
i
1
1
i
1
1
i
1
i

4

N e mnewe

o 1
Khi d6, van toc t6i da cua thay A dat duwoc la bao nhiéu km/h?

Két qui E—

Trinh bay:

3 5 6 7

doan [0;2]. Biét m+M=ae2+£4,(a;beN), tinh a+b.
e

Két qui E—
Trinh bay:

Chao ndam mdi 2025, thanh phé trang tri den led cho biéu twgng hinh cht V duoc ghép tir
thanh AB=4m, AC =5m sao cho tam giac ABC vudng tai B. D¢ tang hiéu tng, cac ki su
da thiét k&€ mét chudi led chay tir B dén 4 véi téc dd 4 m/phut va mot chudi led chay tr 4
dén C véi van tdc 10m/phut. Sau khi déng ngudn dién thi ca hai chudi led dong thoi xuat



phat. Héi trong khoang 30 gidy dau tién dong ngudn dién, sau bao nhiéu giay tir thoi diém
déng ngudn dién thi khoang cach giita hai diém sang dau tién ctia hai chudi led 1a nho nhat?
B c

Kt quis I
Trinh bay:

PHAN IV. (3,0 diem) Cau héi tw luan. Thi sinh trd 10i tie cdu 19 dén cdu 21.

s 16
thoa man ?}g?y+maxy =—.

Cau19: Tim m déhamso y= ik na; 3

x+1

Trinh bay:

Cau 20: Mot xe 6 t6 cho khach du lich c6 stic chita t6i da la 16 hanh khach. Trong mét khu du lich,
mot doan khach gom 22 nguoi dang di bd va muon thué xe vé khach san. Lai xe dua ra thoa
thuan véi doan khach du lich nhw sau: Néu mot chuyén xe chd x (nguoi) thi gid tién cho moi

2
40—-x
nguoi la u (nghin d6ng). Vi thoa thuan nhu trén thi lai xe c¢6 thé thu dwgc nhiéu
nhat bao nhiéu triéu dong ttr mot chuyén cho khach (lam tron két qua dén hang phan tram)?
Trinh bay:

Cau21: Dé€ tao mot kién hang dang hinh lang tru ding vo6i day 1a hinh chit nhéat ¢ chiéu dai gdp doi
chiéu rong, nguoi ta duing cac thanh gb ghép khit déng lai véi nhau. Biét rang, dung tich kién
hang bang 9m° va gia thanh 1m* g skt dung la 200000 dong. Héi sau khi hoan thanh kién
hang d6 , nguoi ta can bo ra it nhat bao nhiéu triéu dong (dién tich cac mép gitra hai mat ké
nhau khong dang ké)?



Trinh bay:
HET
Hué; 16h20” Ngdy 24 thing 6 nam 2025
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PHAN 1. - Céu trac nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 1oi tie cdu 1 dén cdu 12.
MGi ciu héi, thi sinh chi chon mot phwong dn.

PE ON TAP SO 06_TrNg 2025

Ciul: Chohamso y=f (x) lién tuc trén R théa man gid tri 16n nhat cia ham s6 trén R la 2024.

Khang dinh nao sau day ding?

A. f(x) <2024,VxeR. B. f(x) <2024,Vx e R,3x, :f(xo) =2024.
C. f(x)>2024,vxeR. D. f(x)>2024,vxeR,3x,: f(x,)=2024.
Loi gidi:

Hamso y=f (x) lién tuc trén R thda man gia tri 16n nhat cia ham s6 trén R 1a 2024. Khi d6
f(x)<2024,vxeR,3x,: f(x,)=2024.

Cau2: Chohamsd y= f(x) lién tuctrén R va c6 bang xét ddu dao ham nhu sau:

x |_3c -1 0 1 +00

Khang dinh nao sau day dting?
A. {nax)f(x):f(l). B. ({gjg)f(x) = f(-1).C. max f(x)= f(0). D. min)f(x) = 1(0).

0;+00 (-11] (=13+00
Loi gidi:
Dua vao bang bién thién, ta thay khang dinh max f(x)=7(1) la dung.

Cau3: Chohamsd y=f (x) xdc dinh va lién tuc trén R c6 d6 thi nhw hinh vé bén dwdi:

Goi mva M Tan luot 1a gia tri nho nhéat va gia tri 16n nhét cia ham s6 da cho trén doan
[-2;1]. Ménh d& nao dudi day 1a ding?

A m=-5M=0. B.m=-2;M=1. Cm=-5M=-1. D.m=-2;M=-1.

Loi gigi:



Tacd m=-5,M=-1.
Cau4: Gia tri nho nhat cia hAm s6 y = x” +3x” —1 trén doan [—1;1] béng
A. 3. B. —1. C. 1. D. 2.
Loi giai:
, ) x=0
Taco: y'=3x"+6x; ' =0=3x" +6x=0< .
x=-2 (loal)
y(-1)=1,y(0)=-1,y(1)=3.
Vay E’l’l_ll;ﬁ]/=—1 tai x=0.

Ciau5: Chohamso y= f(x) lién tuc trén doan [O;%} c6 do thi y= f'(x) nhu hinh vé bén duwdi:

o
N
B =1

Hamso y=f (x) dat gid tri 16n nhat trén doan [%;3} tai diém x, nao dudi day ?
A.x,=0. B. x, =3. C.x,=1. Qx():%.
Loi gidi:

Theo d6 thi ham f'(x) , ta co:

f'(x)<0,Vxe {%;3} nén ham s8 f(x) nghich bién trén {%;3}
:f(%jzf(x)Zf(?)) , ‘v’xe|:%;3}.

4 .7 . 7 Y A 1 . - A? 1
Vay ham s6 f (x) dat gia tri 1én nhat trén doan [5;3} tai diem x, = 5

Cau6: Chohamso y=f (x) c6 bang bién thién trén doan [—1;3] nhu sau:

X -1 1] 1 3
Fiix)

| N

Gia tri 16n nhat ctia ham s§ da cho trén doan —1;3 bang
Al B. 4. C.0. D. 5.




Loi giai:
Gia tri 16n nhat cia ham s6 da cho trén doan —1;3 bé”mg 5.

Cau7: Gid tri Ién nhat cia ham s8 y =+/4—x* 1a

A.2. B. 0. C.4. D. 1.
Loi gidi:
Tap xac dinh: D=[—2;2] .Taco: y'= = =y =0<:>x:0€(—2;2)
4—x

y(=2)=y(2)=0
Ta co: ( ) ( ) > maxy=2.

»(0)= 2]

Cau8: Hamsd y=f (x) lién tuc trén R va c6 bang bién thién nhu sau:
[ x s —a 0 8 0
3 - o0 + o0 - o0 =+

+20 9 +20
\"f(4) / \' f(3)/

Bist f(—4)> f(8), khi d6 gia tri nho nhat ctia ham s da cho trén R bang
A 9. B. f(—4). C. f(8). D. 4.
Loi gidi:

Dua vao bang bién thién va gia thiét f(—4)> f(8).

Gid tri nho nhat cia ham s6 y = f(x) trén R la: rr}Rjnf(x) = /(8).

« . . - 1 e s et ot a1 e 1s o 2x+1
Cau9: Goi M va m lan luwot la gia tri lon nhat va gid tri nhé nhat cia ham s6 y = trén doan

x—1
[2;4]. Khi d6, M —m béng
A. 3. B. 2. C. 4. D. 2.
Loi gidi:
(x-1)

m=r[1;;£r]1y=y(4)=3 va le}%gfcyzy(Z):S.Véy M-m=5-3=2.

y'= <0 = Ham s6 ludn nghich bién trén cac khoang (—00; 1) va (l; +oo)

Cau10: Goi S la tap hop tat ca cac gia tri caa tham s6 m d€ gia tri nho nhdt cia ham s6
y=x"+ (m2 + 1)x +m* +12 trén doan [2;8} bang 25 . Khang dinh nao duéi day ding?
A.S={43}. B. S ={+1}. C. S={+2}. D. 5 ={+5.

Loi gigi:
Taco y'=3x"+m’+1>0 VmeR.

miny =25 < y(2)=25 < 2’ +(m’ +1) 2+m* +12=25 < 3m’ =3
2:8

om =1om==1.
Cau11l: Cho ham s8 y=f(x) c6 dao ham f’(x)=x(x-2),VxeR. Gia tri nhé nhét cia ham s&
y=f(x) trén doan [1;4] bang



Cau 12:

A. f(2). B. f(1). C. f(4). D. f(3).
Loi giai:
Ta c6 f’(x)=0©{i

Bang bién thién:

f'(x) n 0 - 0 +

+o0

1(3) /f(O)xf(z)/

Dua vao bang bién thién ta thdy gia tri nhé nhat ciia ham sd trén doan [L;4] 1a f(2).
Chohamso y=f (x) c6 bang bién thién nhu sau:

X —-00 -1 3 +00

f'(x) + 0 - 0 +

1 +00

) / \ /

-0 __2

Goi M, m lan luot l1a gia tri 16n nhat va gia tri nho nhat cia hamsé y = f (ZCosx+l). Tinh
M+m.

A. -2 B. 1. C. -1. D. 0.

Loi gidi:

Dit t=2cosx+1 (te[-1;3]).

Taco: M=mRaxy=r[1}la;13)](f(t)=1; m:n}Rjny=Elli;%f(t)=—2.Suyra M+m=-1.

PHAN II. (2,0 diéim) Cau tric nghiém dtng sai. Thi sinh trd 10i tir cdu 13 dén cdu 14. Trong mdi y a), b), ),
d) & moi cdu, thi sinh chon ding hodc sai (dién ddu X vio 6 chon)

Cau 13:

Cho ham s6 f(x)=xInx—2x, v6i x €(0;+x).

Khang dinh Dung Sai
a) | f(1)=-2; f(4)=8In2-8.
b) Dao ham ctia ham s6 da chola f'(x)= 1 -2.
X

¢) | Nghiém ctia phuong trinh f'(x)=0 trén [1;4] la x=e.

d) | Gid tri nho nhat cia ham s6 f'(x) trén [1;4] 1a —e.

Loi gidgi:
‘ a) bang ‘ b) Sai | c) Bung | d) bang ‘
a) bung.
Tacéd: f(1)=-2 va f(4)=4In4-8=8In2-8.
b) Sai.
Dao ham: f'(x)= lnx+x.i—2 =Inx—1.

c) bung.



Cho f'(x)=0hx=1<x=ce[L;4].
d) bung.
Khi d6: f(e)=—e. Vay r[l;lal]’lf(x) =—¢ khi x=e.

Cau 14: Khi nudi tom trong mot ho tw nhién, mot nha khoa hoc da thong ké duoc rﬁ“mg: Néu trén mdi
mét vuong mdt ho tha x con tom giong thi cudi vu mdi con tdm cb cin nang trung binh la
108 - x° (gam).

Khéng dinh Dung Sai
a) | biéu kién xac dinh la x> 0.

b) | Sau mot vu lreong tdm trung binh trén mdi mét vuodng

mit hd tw nhién ning x(108—x*).

¢) | P& cudi vu thu hoach duoc nhiéu tom nhat trén moi mét
vuong mat ho ty nhién thi can tha 16 con tom gidng.

d) | Lwong tom nhiéu nhat cudi vu c6 thé thu hoach dwoc
trén moi mét vudng mat ho ty nhién 1a 432 (gam).

Loi giai:
’ a) bung ’ b) bung | ¢) Sai ‘ d) biang ‘
a) bung.
Diéu kién xac dinh la x>0
b) Bung.
Sau moét vu lwong tom trung binh trén moi mét vudng mat ho tw nhién ndng x(108 - xz)
¢) Sai.
Xétham s8 f(x)=108x—x’ trén khoang (0;+x) ta cd
' 2 2 x=06
f (x):108—3x =0=108-3x" =0
x=—-6 <0
z | 6 +00
f'(z) + -

f(6)
f(z)

Trén khoang (0;+0) ham s§ f(x)=108x—x" dat gid tri lon nhét tai x=6.

Vay nén tha 6 con tom giong tren mdi mét vudng mat ho thi cudi vu thu hoach dwoc nhigu
tom nhat.
d) bung.
Lwong tom nhiéu nhat cudi vu c6 thé thu hoach duwgc trén moi mét vudng mat hd twe nhién la
f(6) =108.6 -6 =432 (gam).

PHAN I11. (2,0 dién) Cau tric nghiém tra 10i ngin. Thi sinh trd 10i tiv cdu 15 dén cdu 18.

Cau15: Dau nam moi 2025, cong ty A vira ki hgp dong san xuat va cung cdp linh kién theo don dat
hang ctia nha may B. Theo hop dong nha may B mua khong qua 1500 linh kién, néu s6 lugng
dit hang la x thi gid ban mdi linh kién 1a p(x)=40000-0,01x> ddng. Chi phi d€ cong ty san



Cau 16:

xudt x linh kiénla C(x)=10000000+10000x dong. Hoi cong ty A nén san xuat va cung cap
bao nhiéu linh kién cho nha may B d€ thu duoc loi nhuan 16n nhat?
Két qui ]
Trinh bay:
Loi giai:
Loi nhuan cong ty A thu duoc la
f(x)=xp(x)-C(x)=-0,01x’ +30.10°x—10°,0 < x <1500.
Taco f'(x)=-0,03x>+30.10°, f'(x)=0<> x=1000 (do 0<x<1500).

Ta c6 bang bién thién

T 0 1000 1500
f! + 0 -
28 . 106

TN

Tl bang bién thién, ta thay cong ty A nén san xudt va cung cap 1000 linh kién sé thu duoc lgi
nhuan 16n nhat 1la 28000000 dong.

Thay A tham du giai "Di b truc tuyén Nganh Gido duc va Dao tao Edu Run-HCMC" nam
2024. Quang duong thay A di dwoc bidu dién bang ham s8 s(¢)=ar’ +bt* +ct+d (v6i a#0)

c6 do thi nhu hinh bén dwéi (trong d6 ¢ 1a thoi gian tinh bang gid, s 1a quang duong tinh
béng km).

s (km)

30

1 e A

N

18

12 bt

t(h)

i
i
1
1
1
1
:
1
1
i
1
1
1
1
1
1
1
:
4

N e mne-e

0 1 3

Khi d6, van toc toi da cua thay A dat duoc 1a bao nhiéu km/h?

Két qui E—

Trinh bay:

5 6 7




Caul17:

Loi gidi:

Dua vao do thi ta thdy d6 thi ham s6 di qua cac diém: 0(0;0), A(2;12),B(4; 24) va nhan
B(4;24) lam 1 cuc tri.
Taco: s(t)=at’ +bt* +ct+d = s'(t)=3at’ +2bt +¢

Khi d6 ta c6 hé sau:

d=0
8a+4b+2c+d =12
64a+16b+4c+d=24<:>
48a+8b+c=0

9

Nén: s(z)z—%t3 +%t2 3v(t):s'(l):—zt2 +9¢.

Thiy Adimg di bo khi: v(t):0<:>—%t2 +9l=0<:>{

t=0
t=4

Cau toan trd thanh tim gid tri lon nhat cta v(t) trén [0; 4] )

Ta co: v'(t):—§t+9:v'(t):0<:>t:2.

Khi d6: v(0)=0,v(2)=9,v(4)=0

Vay van tdc 16n nhat ma thay A dat duwgcla 9 km/h tai thoi diém ¢ =2.
Goi m va M lan luot la cac gia tri nho nhét va gi tri 16n nhéat caa ham s f(x)=¢’"" trén

doan [0;2].Bié't m+M=aez+ﬂ4,(a;beN), tinh a+b.
e

Két qua:
Trinh bay:

_ 12-3x

Loi gidi:

Ham sd f(x)=¢’"" x4c dinh va lién tuc trén doan [0;2].

f’(x) =-3e" <0, Vxe [0;2] .

f(0)=¢*; f(2):e—4.Dodé m:% vaM=¢.

Khi d¢: m+M=i4+ez—>a=l;b=l.

e
Vay a+b=2.



Cau18: Chao nam mdi 2025, thanh phd trang tri den led cho biéu twong hinh cht V duoc ghép tu
thanh AB=4m, AC =5m sao cho tam giac 4BC vudng tai B.DE€ tang hiéu ting, cac ki su
da thiét k& mét chudi led chay tt B dén 4 véi t6c do 4 m/phut va mot chudi led chay tir 4
dén C véi van téc 10m/phut. Sau khi déng ngudn dién thi ca hai chudi led dong thoi xuat
phat. Héi trong khoang 30 gidy dau tién dong ngudn dién, sau bao nhiéu giay tir thoi diém
déng ngudn dién thi khoang cach gitta hai diém sang dau tién ctia hai chudi led 1a nho nhat?
B c

Két qua: ]
Trinh bay:

Loi gidi:

Goi M,N tuong tng la diém sang dau tién ctia chudi led chay tit B dén 4 vachay tir 4 dén
C.Dit BM = x (m). Khi d6
an=1022 X,
4 2

Ap dung dinh li cdsin ta c6
MN =~ AM? + AN —2.AM .AN .cos A

:\/(4_)()2 +(57xj ~a(a-x). 22

\/£x2—24 45(x—E] E i
4 5 45




. 16 , S .
Tt 36 doan MN nho nhat khi x = Em. Khi d6 nguodn dién da duoc dong

% 4.60 =16 giay.

PHAN IV. (3,0 diém) Cau hoéi tu luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.

Cau 19:

Cau 20:

~Ts ” X+ 16
Tim m dé ham so y= thod man min y+max y =

x+1 (1:2] [1:2] ER

Trinh bay:
Loi gidi:
TXD: D=R\{-1}.
,  1-m
ey
TH1: m=1 = y=1 laham hang .
TH 2: m#1 = Ham s§ don diéu trén timg khoang xdc dinh (—o0;—1), (—1;+).

pipy = (1)
max 2
r= y() 24m 1+m

= = min y+max y = y()+»(2)= G

nln21]1y y(2) b [1:2] 3 2

maxy y(l)
Theo gia thiét:
I%lnz?y+rfla]xy—?<:>2;m+1+Tm=?<:>4+2m+3+3m=32<:>5m=25 —m=5.

Mot xe 6 t6 cho khach du lich ¢6 strc chira t6i da la 16 hanh khach. Trong mét khu du lich,

mot doan khach gom 22 nguoi dang di bd va muodn thué xe vé khach san. Lai xe dua ra thoa

thuan véi doan khach du lich nhu sau: Néu mot chuyén xe chd x (nguoi) thi gid tién cho moi

. (40— x)2
2

nguoi la (nghin d6ng). Véi thoa thuan nhu trén thi lai xe c¢6 thé thu dwgc nhiéu

nhat bao nhiéu triéu dong ttr mot chuyén cho khach (lam tron két qua dén hang phan tram)?
Trinh bay:

Goi f () laloi nhuan ma lai xe c6 thé thu vé khi chd x (nguoi) (x € N') trong chuyén xe dé.
Khi dé:



Cau 21:

f(x):%x(40—x)2, voi 0<x<16.

Ta cé: f'(x)= %[(40—3@2 ~2x(40-x) |= %(40—x)(40—3x) .

Véi 0<x<16 thi f'(x)=0<:>x=?. Ma 13<ﬂ<14 nén ta ¢ bang bién thién nhu sau:

x 0 13 — 14 16

0 4608
Vi f(13) =4738,5, f(14) =4732. Céan ctt vao bang bién thién ta c6 i(vgftg]cf(x) =4738,5

(nghin dong). Vay nguoi lai xe d6 ¢ thé thu dugc nhiéu nhat khoang 4,74 triéu dong tir mot
chuyén cho khach.

Dé tao mot kién hang dang hinh lang tru ding véi ddy 1a hinh ch nhéat c6 chiéu dai gap doi
chiéu rong, nguoi ta dling cac thanh gb ghép khit déng lai véi nhau. Biét rang, dung tich kién
hang bang 9m° va gid thanh 1m?® gd st dung la 200000 dong. Hoéi sau khi hoan thanh kién
hang d6 , nguoi ta can bo ra it nhat bao nhiéu triéu dong (dién tich cac mép gitra hai mat ké
nhau khong dang ké)?

Lpa. 1.1 ]

Vg e
AL PN

Trinh bay:
Loi gigi:
Hinh lang tru diéng voi day la hinh chit nhat c6 chiéu dai gap d6i chiéu rong. Do d6 goi ba
kich thudce ctia né Tan luot la chiéu rong x, chiéu dai 2x va chiéu cao & (véi x>0;h>0).
9
2x

Tacd: x2xh=9=h=

2

Dién tich toan phan cua kién hang la S,, = 2xh+4xh+4x" = 27 +4x7.
x



Xéthéms6:f(x)=2+4x2:>f’(x)=—2—Z+8x ; f'(x):0:>x=%.
X X

ro | w2

o
+

f'(x)r/// ~

f(*‘)////*x\ /

27

Dura vao bang bién thién ta c6 : min f'(x) =27 tai x= 5
(0;+0)

Tt la khi hoan thanh kién hang , nguoi ta can bo ra it nhat 200000.27 = 5.400.000 dong
= 5,4 triéu dong.

HET

Hué, 16h20’ Ngdy 24 thdang 6 nam 2025
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Trong qud trinh suu tdm va bién soan, néu tai liéu c6 sai sét gi thi rdt mong nhin dwoc sy gp y

cuia quy thiy cd cung cdc em hoc sinh! Xin chan thanh cam on!
A A < LN 7. A 7 ;. 2 1N 4N A A7 A
PHAN L. ﬂ Cau trac nghiém véi nhiéu phwong an Iwa chon. Thi sinh tra loi tie cdu 1 dén cdu

12. Moi céu héi, thi sinh chi chon mét phwong dn.

Caul:

Cau 2:

Cau 3:

Cau 4:

Chohamso y=f (x) xac dinh trén tap D.S6 M duoc goi la gia tri 16n nhat caa ham sd
y=f(x) trén D khi chi khi

A. f(x)ZM voimoi x € D vaton tai x, € D sao cho f(x,)=M.

B. f(x)SM véimoi xeD.

C. f(x)ZM voimoi xe D.

D. f(x)<M véimoi xe D vaton tai x, € D saocho f(x,)=M .

Cho ham s8 y = f(x) xac dinh va lién tuc trén R c6 d6 thi nhw hinh vé bén dudi:

Goi mva M Tan luot la gia tri nho nhat va gia tri 16n nhét ciia ham s6 da cho trén doan
[—2;1]. Ménh dé nao dwdi day la dung?

A m=-5M=0. B.m=-2;M=1. Cm=-5M=-1. D.m=-2;M=-1.
Gia tri nho nhat cia ham s6 y = x* +3x> —1 trén doan [—1;1] bﬁmg
A. 3. B. —1. C. 1. D. 2.
Cho ham s6 y = f(x) c6 bang bién thién trén doan [-1;3] nhu sau:

X -1 1] 1 3

(=) - 0 - 0 +
3
_.1_

f(x) /
0 1




Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Gia tri 16n nhat cia ham so da cho trén doan —1;3 bé”mg

A. 1. B. 4. C.0. D. 5.
Gid tri 16n nhat cia ham s6 y =+/4—x" 1a

A.2. B. 0. C.4. D. 1.

Hamsd y=f (x) lién tuc trén R va c6 bang bién thién nhu sau:

x —0 —4 0 8 +oc
v' — 0 + 0 - 0 +

+o0 9 +e0
\f(4) / \ f(S)/

Bist f(—4)> f(8), khi d6 gia tri nho nhat ctia ham s8 da cho trén R bang
A 9. B. f(-4). C. f(3). D. —4.
Choham s6 y = f(x) c6 d6 thi nhu hinh vé bén dudi:

y

|
I
|
I
|
|
|
-1 0 \ f

Gi4 tri 16n nhat cia ham s6 g (x)=2/(x)—1 trén doan [-1;2] 1a
A. 3. B. 5. C.6. D. 2.
Goi S 1a tap hop tat ca cac gia tri cta tham s6 m dé€ gia tri nho nhat cia ham s6

y=x"+ (m2 + 1)x +m?* +12 trén doan [2;8} bang 25 . Khang dinh nao dudi day ding?

A.5={+3}. B. §={+1}. C. §={+2}. D. 5 ={+5.
Ham s6 nao dudi day c6 gia tri 16n nhat trén tap xac dinh ctia né?
A. y=-x +3x. B. y=x"+3x". C. y=x"-3x. D. y=—x"+x".

Cho ham s8 y = f(x) c6 dao ham f'(x)=x(x—2),VxeR. Gia tri nho nhat cia ham sd
y=f(x) trén doan [1;4] bang

A. 1(2). B. f(1). C. f(4). D. f(3).

Mot vat chuyén dong theo quy luat s = %ﬁ —1>+9¢ véi t (gidy) 1a khoang thoi gian tinh tir

ltc vat bat dau chuyén dong va s (mét) la quang duong vat di duoc trong thoi gian do.
Hoi trong khoang thoi gian 10 gidy ké tir ltic bat dau chuyén dong, van tdc 16n nhat cta
vat dat duwoc béng bao nhiéu?

A.89(m/s). B. 109(m/s) . C. 71(m/s). D. ?(m/s).

2x+m

Cho ham s6 y = . Biét r[%l_izn y+ 3Irég)]< =10 khi m=m,. Khang dinh nao duéi day

x+1
dung?
A. mye(1;3). B. m, €[3;5). C. mye(5,7). D. m, €[7;9).



PHAN II. (2,0 diém) Cau tric nghiém dung sai. Thi sinh trd 10i tie cdu 13 déhn ciu 14. Trong mbi  a), b),
¢), d) 6 moi cdu, thi sinh chon ding hodc sai (dién ddau X vao 6 chon)

Cau 13:

Cau 14:

Cho ham s6 f(x)=x"-27x+81.

Khéng dinh Dung Sai

a) | Ham s6 da cho c6 dao ham 1a f’(x) =3x*-27.

b) | Phuong trinh f'(x)=0 c6 tap nghiém la S={3}.

o | f(3)=27.

d) | Gid tri nho nhét cia ham s6 f (x) trén doan [—4;4]
bang 27.

Mot cong ty san xudt dung cu thé thao nhan duwgc mot don dat hang san xuat 8000 qua
béng pickleball. Cong ty nay sé hitu mot s6 may méc, mdi may c6 thé san xuat 30 qua
béng trong mot gio. Chi phi thiét 1ap cdc may nay 1a 200 nghin dong cho mdi mdy. Khi
duoc thiét 1ap, hoat ddng san xuat sé hoan toan dién ra tu dong dudi sy gidm sat (nguoi
giam sat sé giam sat tat ca cdc may). SO tién phai tra cho nguoi gidm sat la 192 nghin dong
mot gio.

Khang dinh Dung Sai
a) | Trong 1 gio, can 266 mdy dé€ san xudt duoc 8000 qua bong

pickleball.

b
) Trong % gio, can 100 mdy dé€ san xudt duwoc 8000 qua bong

pickleball.

c) | Chi phi hoat dong thap nhat la 6,5 triéu dong.

d) | D€ chi phi hoat dong thap nhat, cong ty can st dung 16 may.

PHAN II1. (2,0 dié) Cu tric nghiém tra 10i ngén. Thi sinh trd 10 tie cdu 15 dén chu 18.

Cau 15:

Cau 1e:

Biét tong gia tri lon nhat va gid tri nho nhat cua ham sd y =(x2 +x+1)e’x trén doan

[-1;0] c6 dang ae+b,(a;beN), tinh a+b.

Két qua:

Trinh bay:

Sau khi phat hién ra dich bénh Vi rat dau mua Khi, cac chuyén gia y t€ wéc tinh s6 nguoi
nhiém bénh k& tlr khi xuét hién bénh nhan dau tién dén ngay thte x 1a f(x)=-x’+18x".
Ta xem f'(x) la t8c d6 truyén bénh tai thoi diém x. Tdc d6 truyén bénh sé 1én nhat vao

ngay thit bao nhiéu?

Két qua:

Trinh bay:



Cau 17:

Cau 18:

Nha may 4 chuyén san xudt mot loai san phdm cho nha may B . Hai nha may théa thuan
rang, hang thang 4 cung cdp cho B s8 luong san pham theo don dat hang cta B (t5i da
100 tdn san pham). Néu sd luong ddt hang la x tan san pham thi gia ban cho mdi tan san
phdm 1a P(x)=90-0,01x> (triéu dong). Chi phi d€ 4 san xudt x tan san pham trong mot
thang 1a C(x)=100+15x (triéu dong) (gom 100 triéu dong chi phi ¢ dinh va 15 triéu
déng chi phi cho mdi tdn san pham). Héi 4 ban cho B bao nhiéu tadn san phdm mdi thang
thi thu duwoc loi nhuan cao nhat?

Két qua:

Trinh bay:

Mot doanh nghiép san xudt doc quyén mot loai san pham. Gia st khi san xudt va ban hét
x san phdm (0<x<2500), tong s0 tién doanh nghiép thu dugc la f(x)=2006x —x’
(don vi: nghin dong) va tong chi phi la g(x)=x*+1438x—1209 (don vi: nghin dong). Gia
stt mtc thué phu thu trén mot don vi san pham ban duocla ¢ (nghin dong), (0 <#<320).
Gia tri ctia ¢ 1a bao nhiéu dé€ nha nwéc nhan duoc so tién thu€ phu thu 16n nhat va doanh
nghiép cting nhan dwgc 1oi nhuan 16n nhat véi mic thué phu thu d6?

Két qua:

Trinh bay:

PHAN IV. (3,0 diém) Cau héi tw luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.

Cau 19:

Cau 20:

Mot doanh nghiép kinh doanh mét loai san phdm T dwoc san xudt trong nudc. Qua
nghién ctru thdy rang néu chi phi san xuat mdi san pham 7 1a x(USD) thi s8 san pham T
cac nha may san xuat sé 1a R(x)=30x—-200 va s§ san phdm 7 ma doanh nghiép ban
dwoc trén thi treong trong nueede sé la Q(x) =3000-10x.

S6 san pham con du doanh nghiép xudt khau ra thi treong qudc t& véi gid ban mdi san
pham &n dinh trén thi truong quéc t&1a 150(USD) . Nha nude danh thué trén moi san
phdm xudt khau la a (USD) va luén dam bao ti 1é gitra lgi nhudn tir viéc xuat khiu cua
doanh nghiép va thué thu dugc ctia nha nudc twong ing la 4:1. Hay tim gid tri cua a biét
loi nhuan ma doanh nghiép thu duogc tir viéc xuat khau 1a nhiéu nhat.

Trinh bay:

Bac An c6 mot ctra hang chuyén ban buon budi Doan Hiing, bac nhan thay rang: Néu ban
mdi kilogram budi véi gid 30 nghin dong thi mdi tuan c6 60 don hang va mdi don hang
mua 100 kilogram. Néu ct ting gid mdi kilogram bwdi thém 2 nghin dong thi hang tuan



Cau 21:

s6 don hang giam 4 don, dong thoi s6 luong buoi ma modi don hang dat mua cling giam di
2 kilogram. Hoéi bac can ban moi kilogram budi véi gia bao nhiéu nghin dong dé loi nhuan
hang tuan thu dwgc la 16n nhat, biét gia nhap mdi kilogram buoi la 24 nghin dong va gia
ban khong vuot qua 50 nghin dong/1kg. (Két qua lam tron dén hang don vi)

Trinh bay:

Cho mot tdm ton hinh mot tam giac déu co canh béng 2m . Nguoi ta thiét k€ mot hinh luc
giac déu va sau hinh chit nhat ¢ phia ngoai luc giac c6 mot canh bang canh cta luc giac,

A M , 7. 2 7 N g 7 7 A?
mot canh bang x (mét) voi 0<x < 5 Sau do6 nguoi ta cat theo nét diat doan dé thu duwoc

mot hinh hop bdi mot luc giac déu va sau hinh cht nhat. Sau d6 gap cac hinh chir nhat dé
tao thanh khoi lang tru luc giac déu (tham khao hinh vé dwéi diy). Thé tich cua khdi lang tru
16n nhat bang bao nhiéu dé - xi — mét khéi (dm’ ) (lam tron két qua dén hang phin muwoi)?

Trinh bay:
HET
Hué, 16h20’ Ngay 13 thdng 6 ndam 2026
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PHAN 1. - Céu tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 1oi tie cdu 1 déh cdu
12. Moi céu héi, thi sinh chi chon mét phwong dn.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Chohamso y=f (x) xac dinh trén tap D.S6 M duoc goi la gia tri 16n nhat caa ham sd
y=f(x) trén D khi chi khi

A. f(x)ZM voimoi x € D vaton tai x, € D sao cho f(x,)=M.

B. f(x)SM véimoi xeD.

C. f(x)=M véimoi xeD.

D. f(x)SM véimoi x € D va ton tai x, € D sao cho f(xo)zM A

Cho ham s8 y = f(x) xac dinh va lién tuc trén R c6 d6 thi nhw hinh vé bén duéi:

Goi mva M Tan luot la gia tri nho nhat va gia tri 16n nhét ciia ham s6 da cho trén doan
[—2;1]. Ménh dé nao dwdi day la dung?
A - m=-5M=0. B.m=-2;M=1. C.m=-5M=-1. D.m=-2;M=-1.
Loi giai:
Taco m=-5,M =-1.
Gia tri nhé nhat ctia ham s8 y = x° 4+ 3x*> —1 trén doan [—1;1] bﬁmg
A. 3. B. —1. C. 1. D. 2.
Loi giai:
x=0

Tacd: ' =3x>+6x; 1/ =0=3x> +6x=0<=
Y Y x=-2 (loai)

y(-1)=1,y(0)=-1,y(1)=3.
Vay E{lliﬁyz—l tai x=0.

Chohamsé y=f (x) c6 bang bién thién trén doan [—1; 3] nhu sau:



Cau 5:

Cau 6:

Cau7:

Laa

X -1 0 1
Fiix)

AN

Gia tri 16n nhat cia ham s6 da cho trén doan —1;3 béng

A. 1. B. 4. C.0. D.5
Loi gidi:
Gia tri 16n nhat cta ham so da cho trén doan —1;3 b:?mg 5.
Gid trj 16n nhat cia ham s6 y =+/4—x" 1a
A.2. B. 0. C. 4. D. 1.
Loi gidi:
Tap xac dinh: D:[—2;2] .Taco: y'= - = =y =0<:>x:0€(—2;2)
4—x
v(-2)=»(2)=0
Ta co: ( ) y( ) = maxy=2
y(0)=2 [-22]

Hamso y=f (x) lién tuc trén R va c6 bang bién thién nhu sau:

' X —0 -4 0 8 +o0

3 - o0 + o0 - o ~+
+o0 9 +eC
S(=4) 7(8)
Bigt /(—4)> f(8), khi d6 gid tri nho nhét ciia ham s§ da cho trén R bang
A.9. B. f(—4). C. f(8). D. 4.
Loi gidi:
Dua vao bang bién thién va gia thiét f(—4)> /(8).
Gia tri nho nhét cia ham sd y = f(x) trén R la: r%inf(x) = 1(8).
Choham s8 y = f(x) ¢4 do thi nhu hinh vé bén dudi:
Y

Gi4 tri 16n nhat cia ham s6 g (x)=27(x)-1 trén doan [-1;2] la
A. 3. B.5. C.6. D. 2.
Loi giai:

Gi4 tri 16n nhat caia ham s g (x) =27 (x)-1 trén doan [-1;2] la




Cau 8:

Cau9:

Cau 10:

r[{lgﬁg(x):2r[{1512)]<f(x)—1=2.3—1=5.

Goi S la tap hop tdat ca cac gia tri ca tham s6 m dé gia tri nho nhdt cta ham s6
y= x> +(m2 + 1)x+ m?* +12 trén doan [2;8} bé“mg 25. Khﬁng dinh nao duwdi day dang?
A.S={#3}. B. §={+1}. C. S={+2}. D. §={+5.

Loi gidi:

Tacod y'=3x>+m*>+1>0 VmeR.

miny =25 < y(2)=25 < 2’ +(m’ +1) 2+m* +12=25 < 3m’ =3
2:8

om =1om=11.

Ham s6 nao dwdi day co gia tri 1on nhat trén tap xac dinh cua né?

A. y=-x+3x. B. y=x"+3x". C. y=x"-3x. D. y=—x"+x".

Loi gidi:

Xét phuong an A: Cé lim y = lim (—x3 +3x) =+00 nén ham s6 khong cd gia tri 16n nhat
trén tap xac dinh.

Xét phuong an B: C6 lim y = lim (x4 +3x2) =+o0 nén ham sd khong c6 gia tri 1on nhat

X—>+00 X—>+00
trén tap xac dinh.
Xét phuong an C: C6 lim y = lim (x3 - 3x) =+o0 nén ham s6 khong c6 gia tri 1on nhat trén
X—>+00 X—>+00

tap xac dinh.

V2 1
X=——=y=—
2 4
I 7 4 i 3 ' 3 \/5 1
Xét phueong an D: C6 y'=—4x" +2x.Cho y'=0< -4x +2x=0< x=—7:>yzz.
x=0=y=0
Bang bién thién )
X —00 —Q 0 ﬁ +o0
2 2
V' + 0 - 0 + 0 -
1 L
4 4
¥ / \ 0 / \
—c0 —00

2

Vay ham s6 ¢ maxy:i tai x:iT.
Cho ham s8 y = f(x) c6 dao ham f'(x)=x(x-2),VxeR. Gié tri nho nhét cia ham s8
y=f(x) trén doan [1;4] bang
A. f(2). B. f(1). C. f(4). D. f(3).
Loi gigi:
X
Ta ¢ f’(x)=0<:>{
x

Bang bién thién:



Cau 11:

Cau 12:

Sf(x) + 0 _ 0 +

+ao0

/) /f(O) T 1(2) /

Dua vao bang bién thién ta thay gia tri nho nhat ctia ham s6 trén doan [1;4] la f (2) .
 an R 1 .. N , o , .
Mot vat chuyén dong theo quy luat s = §t3 —12 49t véi ¢ (giay) la khoang thoi gian tinh tir

lac vat bat dau chuyén dong va s (mét) 1a quang duong vat di duoc trong thoi gian do.
Hoi trong khoang thoi gian 10 gidy k& tir Itic bat dau chuyén dong, van tdc 16n nhat cta
vat dat duwoc béng bao nhiéu?

A. 89(m/s). B. 109(m/s). C. 71(m/s). D. ?(m/s).
Loi gidi:

Ta cé: s(1) = %ﬁ —1* 49t

Van t6c chuyén dong theo quy luat v(t) = s'(t) =t*—-2t+9

Xét phuong trinh V(1) =0 2/-2=01=1.

Tac6 v(0)=9,v(1)=8,v(10)=89

Vay sau 10 giay ké tir ltc bat dau chuyén dong, van tdc 16n nhat cuia vat dat duoc la 89

m/s.
\ A7 2x+m . A 3 . < . \ &) A
Cho ham s6 y = . Biet miny +3max y =10 khi m=m,. Khang dinh nao dudi day
x+1 [0:2] [0:2]
dung?
A. mye(1;3). B. m, €[3;5). C. mye(5,7). D. m, €[7;9).
Loi giai:
, ., 2-m
Tacod y = 5
(x+1)
Truong hop 1: Néu 2—m>0<>m<2 thi miny = f(0)=m;max y = f(2) = m;4
[0;2] [0;2]
Khi do r[{)l_izr]ly+3r[r£)]<y:10 Sm+m+4=10<m=3 (loai)
Truwong hop 2: Néu 2-m <0< m>2 thi maxy = f(0)=m;miny = f(2) = m;4
[0:2] [0:2]

m+4

Khi do I[gizny+3maxy:10<:>3m+ =10 m=2,6 (tm).

] [0:2]

Vay m:2,6e(1;3).

PHAN II. (2,0 diém) Cau tric nghiém diing sai. Thi sinh trd 10i tie cdu 13 dén ciu 14. Trong mbi y a), b),
¢), d) 6 moi céu, thi sinh chon ding hodc sai (dién ddau X vao 6 chon)

Cau 13:

Cho ham s6 f(x)=x"-27x+81.

Khéng dinh Dung Sai

a) | Ham s6 da cho c6 dao ham 1a f'(x)=3x>-27.

b) | Phuong trinh f’(x) =0 cé tap nghiémla S= {3} .

o | f(3)=27.




d) | Gia tri nhé nhat cia ham sd f (x) trén doan [—4;4]
béng 27.
Loi giai:

‘ a) bung ‘ b) Sai | c) bung ‘ d) bang
a) Pung: Vi f'(x)=3x"-27.

=3
b)Sai:Vif’(x)=0c>3x2—27:0©{x .
X=-

) bung: Vi f(3)=3°-273+81=27.
d) Dung: Vi f(-4)=125; f(4)=37; f(-3)=135; f(3)=27.
Vay gia tri nho nhét ctia ham s6 trén doan [ -4;4 | bang 27.

Cau14: Mot cong ty san xudt dung cu thé thao nhan dugc mot don dit hang san xuat 8000 qua
béng pickleball. Cong ty nay sé hitu mot s6 may méc, mdi may c6 thé san xuat 30 qua
béng trong mot gio. Chi phi thiét 1ap cdc may nay 1a 200 nghin dong cho mdi mdy. Khi
duoc thiét 1ap, hoat ddng san xuat sé hoan toan dién ra ty dong dudi su gidm sat (nguoi
giam sat sé giam sat tat ca cdc may). SO tién phai tra cho nguoi gidm sat la 192 nghin dong

mot gio.
Khang dinh Dung Sai
a) | Trong 1 gi0, can 266 may dé€ san xudt duwoc 8000 qua bong
pickleball.
b)

Trong 2 gio, can 100 mdy dé€ san xudt duwoc 8000 qua bong

pickleball.
¢) | Chi phi hoat dong thap nhat 1a 6,5 triéu dong.
d) | D€ chi phi hoat ddng thap nhat, cong ty can sit dung 16 may.
Loi gidi:
| a) Sai | Dung | Sai | d) bang |
a) Sai: Trong 1 gi0o, can s0 may dé€ san xudt duoc 8000 qua boéng pickleball la:
8000:30 ~ 267 (may)

b) bing: Trong % gio, can s6 mdy dé€ san xudt duoc 8000 qua bong pickleball la:

8000 : (30.%) =100 (may)

c) Sai: Goi x, (xeN) la s6 may cong ty .
Chi phi thiét 1ap 1a: 200x (nghin dong).

8000
30x

8000.192 51200
30x X

51200
X

SO gio can dé€ san xuat 8000 qua bong la: (gi0).

SO tién tra cho giam sat la:

(nghin dong).

Tong chi phi la: T =200x+

(nghin dong).

0 x* =256 < x=16.

51200 N T’(x) 0200 51200 _

T'(x)=200— . .

Bang bién thién:



X 0 16 +00
T’(x) — 0 +
+o0 +o0
T(x) \ /
6400

Vay chi phi hoat dong thdp nhat la 6,4 triéu dong.

d) buang: D€ chi phi hoat dong thap nhat, cong ty can sit dung 16 may.
PHAN II1. (2,0 dién) Cau tric nghiém tra 10i ngan. Thi sinh trd oi tie cdu 15 déh céu 18.
Cau 15: Biét tong gia tri 16n nhat va gid tri nho nhat cta ham s6 y = (x2 +x+ l)e’

[-1;0] c6 dang ae+b,(a;beN), tinh a+b.

X

trén doan

Két qua:

Trinh bay:

Loi gidi:

Két qua: 2.

Ham s0 lién tuc trén doan [—l; 0]

Ta co: f'(x) =e " (2x+l—x2 —x—l) =e" (—x2 +x)

x=0
F=0=)

Ta co: f(—l):e;f(O)zl.

Suy ra Ill}ﬁtg](y=e;1[1_1]1;%y=l :r[{lﬁlg](y+1[1_1|1;ay=e+l—>a=l;b=l.

Vay a+b=2.

Cau16: Sau khi phét hién ra dich bénh Vi rut dau mua Khi, cdc chuyén gia y t&€ udc tinh s6 nguoi
nhiém bénh k& tlr khi xuét hién bénh nhan dau tién dén ngay thte x 1a f(x)=-x’+18x".
Ta xem f'(x) la t8c d6 truyén bénh tai thoi diém x. Tdc d6 truyén bénh sé 1én nhat vao

ngay thtt bao nhieu?

Két qua:

Trinh bay:

Tacéd. f'(x)==3x"+36x= f"(x)=—6x+36.
Xét f"(x)=0=x=6

Bang bién thién



Cau 17:

Cau 18:

X 0 6 +0
/') 0 -
) 108

0 o0

Nhu vay t6c d truyén bénh 16n nhat vao ngay thw 6.

Nha may A chuyén san xudt mot loai san phdm cho nha may B . Hai nha may théa thuan
réng, héng thang 4 cung cap cho B s0 luong san pham theo don ddt hang ctia B (t6i da
100 tdn san pham). Néu sd luong ddt hang la x tan san pham thi gia ban cho mdi tAn san
pham la P(x)=90-0,01x" (triéu dong). Chi phi d€ 4 san xuat x tdn san pham trong mot
thang 1a C(x)=100+15x (triéu dong) (gom 100 triéu dong chi phi ¢d dinh va 15 triéu
déng chi phi cho mdi tdn san pham). Héi 4 ban cho B bao nhiéu tan san phdm mdi thang
thi thu dwoc loi nhuan cao nhat?

Két qua:

Trinh bay:

Loi gidi:

Két qua: 50.

Loi nhuan ma 4 thu dwgc khi ban x tan san phdm (0 < x <100) cho B la
H(x)=xP(x)—C(x) = x(90—-0,01x")— (100 +15x) = =0, 01x> + 75x —100
H(x)=-0,01x" +75x—-100

H'(x)=-0,03x> +75

=50
H'(x) 0| .
x=-50
Bang bién thién
T0 50 100
IF(.'I?) + 0 -

H(z) M 2400 Nﬂﬂ

Tl bang bién thién ta c6 A ban cho B 50 tan san phdm thi lgi nhudn la 16n nhat.
Mot doanh nghiép san xudt doc quyén mot loai san pham. Gia st khi san xudt va ban hét
x san phdm (0<x<2500), tong s0 tién doanh nghiép thu dugc la f(x)=2006x —x’

(don vi: nghin dong) va tong chi phi la g(x)=x"+1438x—1209 (don vi: nghin dong). Gia
st murc thué phu thu trén mot don vi san phdm ban dwgc la ¢ (nghin dong), (0 <t <320).
Gid tri cta ¢ la bao nhiéu d€ nha nuwdc nhan dwoc so tién thué phu thu 16n nhat va doanh
nghiép cing nhan duoc lgi nhuan 16n nhét véi mie thué phu thu d6?

Két qua:

Trinh bay:



Loi giai:

Két qua: 284.

Ham s6 biéu thi lgi nhudn ctia cong ty la:

L(x) = f(x) - g(x) —tx =—2x" +568x +1209 — tx

=-2x"+(568 —1)x +1209 (nghin déng) (0 < x <2500)

Ta thay L(x) 12 ham bac hai c6 hé s6 ctia x* 1a =2 <0 nén L(x) dat gid tri 16n nhat khi:

5681

X=X, YR v6i 0 <t <320 thi hién nhién 0 < x, <2500 nén max L(x)=L(x,).

Khi d¢, s6 tién thu€ phu thu ma nha nwdc nhan duoc la:

-1 " .
h(t)=tx,= ?tz +142¢ (nghin dong), véi 0 <t <320

Ham h(t) 13 ham bac hai c6 hé s6 caa ¢ 1a _71 nén h(t) dat gia tri 16n nhat khi:
t=1,= 22 _ 284 (0;320)
-1
2—
4
Khi do: max/(t)=h(t,) = _?1.2842 +142.284 = 20164 (nghin dong)

568284

SO san phdm ma doanh nghiép san xudt va ban hét khi do6 la x, = =71 (san

pham)
Loi nhudn 16n nhat ma doanh nghiép nhan dwgc khi d6 1a: 11 291 (nghin dong)
Vay murc thué phu thu 1a 284 nghin dong trén mot san phadm thoa méan yéu cau dé bai.

PHAN 1V. (3,0 diém) Cau hoi tw luan. Thi sinh trd 10i tir cdu 19 dén cdu 21.

Cau19: Mot doanh nghiép kinh doanh mot loai san phdm 7 dwgc san xudt trong nuwdc. Qua
nghién ctru thay réng néu chi phi san xuat mdi san pham 7 1a x(USD) thi s8 san pham T
cac nha may san xuat sé 1a R(x)=30x—-200 va s§ san phdm 7 ma doanh nghiép ban
duoc trén thi treong trong nude sé 1a 0(x)=3000-10x.

S6 san pham con du doanh nghiép xudt khau ra thi truong qudc t& véi gid ban mdi san
pham &n dinh trén thi truong quéc t&1a 150(USD) . Nha nude danh thué trén moi san
phdm xudt khau la a (USD) va luén dam bao ti 1¢ gitra lgi nhuén tir viéc xuat khiu cua
doanh nghiép va thué thu dugc ctia nha nudc twong ting la 4:1. Hay tim gid tri cua a biét
loi nhuan ma doanh nghiép thu duogc tir viéc xuat khau 1a nhiéu nhat.

Trinh bay:

Loi giai:

S8 san pham xudt khau 1a E(x)=R(x)—Q(x)=40x-3200.

Vi E(x)>0 nén x >80

Loi nhuan xuat khau la



L(x) = (150—x—a)(40x—3200)
Thué nha nwdc thu la T(x) =a (40x - 3200)

Theo dé bai ti 1é 4:1 nén M =4< x=150-5a.

T(x)
V6i x=150—5a ta cd L(a)=4a(2800—200a)<100(2a+28—2a)’ = 78400
D&u déng thirc xay ra khi 2a =28-2a < a=7.

Cau 20: Bac An c6 mot ctra hang chuyén ban buon buédi Poan Hung, bac nhan thay réng: Néu ban
mdi kilogram budi véi gid 30 nghin dong thi mdi tuan c6 60 don hang va mdi don hang
mua 100 kilogram. Néu ct ting gid mdi kilogram bwoi thém 2 nghin dong thi hang tuan
s6 don hang giam 4 don, dong thoi s6 lwong bwdi ma mdi don hang d4t mua ciing giam di
2 kilogram. Hoéi bac can ban moi kilogram budi véi gia bao nhiéu nghin dong dé loi nhuan
hang tuan thu duoc 1a 16n nhat, biét gid nhap moi kilogram buoi 1a 24 nghin dong va gid
ban khong vuot qua 50 nghin dong/1kg. (Két qua lam tron dén hang don vi)

Trinh bay:

Loi gidi:

Goi x la s6Ian ting gia (x > 0). Moi [an ting 2 nghin dong.

Gia ban moi: 30+ 2x (nghin dong). (30+2x<50 < x<10)

Tién 1ai trén moi kg: (30+2x)—24 =6+2x (nghin dong).

Téng lwgng buéi ban dugc:

S& don hang: 60—4x (don).

S6 kg mbi don: 100 —2x (kg).

= Tong khoi luong = (60 —4x)(100—2x).

Ham lgi nhuan L(x) thu dwocla: L(x)=(60—-4x)(100—-2x)(6+2x)
L(x) = 4(15~x)-2(50 ~x)- 23+ x) = 16-[(15 - x)(50 ~ )3+ )] = 16 (x ~ 62x° + 555 +2250)

x, =36,2(L)
L'(x)=0&
x, =5,11(N)
Bang bién thién:
3z 0 5.11 10
v’ + 0 —
57608.3221
y
360 41600

Thay x = 5,11 vao cong thtrc gia ban:
Gia ban =30+2x5,11=40,22 (nghin dong)
Lam tron két qua dén hang don vi: 40 nghin déng.
Cau 21: Cho mot tdm ton hinh mot tam gidc déu c6 canh bf?mg 2m . Nguoi ta thiét ké mot hinh luc
giac déu va sau hinh chi* nhat & phia ngoai luc giac c6 mét canh bﬁmg canh cuaa luc giac,

A M s 7. 2 7 N g 7 ’ ~
mot canh bang x (mét) vdi 0<x < 3 Sau do nguoi ta cat theo nét dit doan dé thu duwoc

mot hinh hop bdi mét luc giac déu va sau hinh cht nhat. Sau d6 gap cac hinh chit nhat dé



tao thanh khoi lang tru luc giac déu (tham khio hinh vé dwéi ddy). The tich cua khdi lang tru

16n nhat bang bao nhiéu dé - xi — mét khdi (dm’) (lam tron két qud dén hang phiin muwoi)?

Trinh bay:

Loi gidi:

C
Keé duong cao AM , ta c6 AABC déu, canh bang 2 nén AM = NCR

1 NG} NG)

Goi O la tam caa AABC:>OM=§AM=?:>OH=OM—x=?—x.

NG} 2 23

Lai c6 AOPQ déu nén OH:73PQ:>PQ:—OH:—(——xJ.

3 3
2
Dién tich AOPQ 1a S,,,, = %OH.PQ = ?(— = x] .

B

Dién tich luc gidc déu: S =68, ,,, =23 [? —x

2
Thé tich khdi lang tru luc giac déu: V(x) = Zx/gx(% - x} = 2\/§[lx - ¥x2 + x3J .

Ta co: V’(x):Zﬁ[%—ngﬁxz):O@x:



Lap bang gia tri cua V(x) voi xe(O;%j ta thay V(x) dat gia tri l1én nhét bang % tai

NE

X=—".

9
Vay theé tich 16n nhat cua khoi lang tru luc giac déu la %(m3) =98,8 (dm’).

HET
Hué, 16h20’ Ngdy 13 thdng 6 ndm 2026




