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n| PAI SO VA MOT SOYEUTO
GIAI TICH

Ménh dé va tap hop dugc coi la ngdn ngif clia toan ho, la cdng cu gidp con ngudi dién dat cac phat biéu toan hoc tré
nén théng nhat, ngan gon, ro rang va chinh xac.

Trong chuong nay, ching ta sé tim hiéu vé hai khai niém ménh dé va tip hop, cing nhu mét 56 khai niém cobén lién
quan va lam quen vdi viéc sif dung chiing trong hoc tap va awéc sdng.

Sachvan hoc
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Séch & thu vién dudc sap xép nhu thé nao 4€ thudn tién cho viéc quan li va tim kiém?

@ Hoc xong chuong nay, ban ¢o thé:

+ Nhén biét va lay duogc vi du vé ménh dé, ménh dé phd dinh, ménh dé kéo theo, ménh
dé dao, ménh dé tuong duang, ménh dé chia ki hiéu ¥ va 3; sif dung ding cac thuat
ngii diéu kién can, diéu kién du, diéu kién can va du.

« Xac dinh duac tinh dling sai clia ménh dé trong nhiing trudng hop don gian.

« Nhan biét dugc cac khai niém co ban vé tap hop (tap hop, phan td, tap con, haitép hop
bang nhau, tap rong); st dung diing cac ki hiéu . <. ©. &.

+ Thuc hién dugc phép toan trén tap hop (hop, giao, hiéu cua hai tap hop, phan bi cia
tap con); minh hoa dugc bang bidu dé Ven.

« Gidi quyét dugc mot sé van dé thuc tién lién quan dén s6 phén td cla tap hop va céc
phép toan trén tap hop. /l

B .
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Bai 1. Ménh dé

Tit kho#: Ménh dé; Ménh dé phil dinh; Ménh dé kéo theo; Ménh dé ddo; Ménh dé tuong duong;
Ménh dé chira ki higu 'V, 3; Diéu kién can; Diéu kién dd; Diéu kién cinva di.

@ Hay theo dbi tinh hudng sau day:

Hay phat bidu dinh i co tom tat nhu
teén bang bing nhitng Gch khic nhau,

Cho ABC Ia tam gidic can. Khi d6, tam

glac ABCc6 hal gdc & day bdng nhau. P’ N tam gidc ABCcin thi nb o

hai gbed déy bang nhau.

.'II
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Ban 6 thé phét biéu dinh li theo cich khac?
Sau bai hoc nay, ban con ¢é thé dua ra nhiing cach phat biéu khac nifa.

1. Ménh dé

=y Xét cac cau sau day:

1 ()1+1=2
(2) Dan ca Quan he la di san van hoa phu
vat the da1 dien cua nhan loar.
(3) Dot la mét loai chim.
(4) Nam c6 phai la mét loai thue vat khong?
(5) Hoa hong dep nhat trong cac loai hoa.
(6) Tron o1, nong qua!
Trong nhimg cau trén,

Hinh 1. Hat déi Quan ho

a) Céau nao 1a khing dinh diing, ciu nao la khang dinh sai?

b) Céu nao khong phai 14 khing dinh?

¢) Cau nao la khing dinh, nhumg khong the xac dinh né ding hay sai?
Trong khoa hoc cfing nhir trong doi song hang ngay. ngudi ta thuong ding cac cau néu lén
mot khing dinh. Nhitng khing dinh co tinh hodc ding hodc sai. nhar cac can (1), (2). (3) o trén,
duoe goi 1a ménh dé logic (hay ménh d2).

- -
- -

"% Ménh 13 mét Kiding dinh ding hoic sai.
Mot khing dinh dung goi 1a ménh dé ding.
Mot khiing dinh sai goi 14 ménh d@é sai
Mét ménh dé khéng thé vira ding vira sai.

Chii y: Nguoi ta thurong sit dung cac chit céi inhoa P, O, R, ... dé ki hiéu ménh dé.
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Vidu 1

Trong cac ciu sau ddy, caunao la ménh da?

a) 3la sole; byl+2>3;

¢) m 1a 50 vo ti phai khong? d) 0.0001 1a s6 rat bé;

&) Pén nim 2050, con nguai s dit chan 1n Sao Hoa.

Gidi
a) “3 1a s016” 1a ménh d& (la ménh dé ding).
b) “1 + 2 >3"1a ménh de (1a ménh & sai).
¢) “m la mot so vo ti phai khong?” 1a cau hoi. khong phai ménh de.
d) Cau “0,0001 la s0 rat bé” khéng c6 tinh hode ding hoiic sa1 (do khong dua ra tieu chi
the nao la so rat be). Do do, no khong phai 1a ménh de.
e) ‘F‘Bén nam 2050, con nguo sé dat chzrin lén Sao Hoa™ la mot khang dinh chura the chéc
chan la diing hay sa1. Tuy nhién, no chac chan chi co the hodc ding hodc sa1. Do do, no
la mot ménh de.

Chui y: Nhimg ménh dé lién quan dén toan hoce (nhu cac ménh d2 & cau a) va b) trong
Vi du 1) con duge g 1a ménh dé todn hoc.

% Trong cac ciu sau, cu nao la ménh dé?
A 1 1 ]
a) J2 1a 56 vo 1 b) —+—+. +—=>12;
2 B V10

¢) 100 ti 14 s6 rat 1om; d) Tron hom nay dep qua!
% Xet tinh dung sai eua cac menh de sau:

a) Vinh Ha Long la di san thién nhién thé gidi;

b) -5 =5

c) P +122=13%

2. Ménh dé chira bién Hinh 2. Vinh Ha Long

JB et ciu“n chia hét cho 5” (n 14 s6 t nhién).
a) Co thé khang dinh cau trén la dimg hay sai khong?
b) Tim hai gia tri ctia n sao cho ciu trén 1a khing dinh ding, hai gia tri ctia » sao cho
cau trén la khing dinh sai.
Cau “n chia hét cho 57 14 mot khéng dinh, nhimg khong la ménh dé, vi kh?mg dinh nay co
thé dung hodc sai. tuy theo gia tri cia n. Tuy vay, khi thay n bang mot so t nhién cu thé
thi ta nhan dwoc mot ménh dé. Nguoi ta goi “n chia hét cho 57 1a mot ménh d@é chira bién
(bien n), ki hidu P(n). Ta viét P(n): “n chia hét cho 57 (n 1a s6 tu nhién).

Mot ménh dé clhira bién ¢é thé chira mét bién hodc nhiéu bién
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Vidu 2
Cho cac ménh d& clita bién:
a) P(x): “2x= 17,
b) R(x, ¥): “2x + y = 3” (ménh dé nay clura hai bién x va v);
¢) T(n): “2n+ 1 1a s0 chan” (n la 6 ty nhién).
V& mol ménh dé chira bién trén, tim nhitng gia tn cua bién d& nhan dwoc mot ménh
dé dung va mot ménh de sai.
Gidi

I
7

a) Vo x:é thi F{ ]: “2 .-jl-:l“l:ll ménh dé ding.

Véix=1thiP(1): “2. 1 =114 ménh dé sai.
b) Véix=1,y=1thiR(l, 1): “2.1+ 1 =3"1a ménh dé ding.
Véix=1,y=2thiR(l,2): “2.1+2=23"1a ménh dé sai.

¢) Lay 50 tu nhién n, bat ki ta déu duoc 2n,+ 1 la mot so 1&, nghia 1a T(n,): “n,+ 1
la 50 chan™ la ménh dé sai. Do do, khéng c6 gia tri n, ciia n d& T(n,) la ménh dé dung.
T(n,) 1a ménh dé sai voi s6 tw nhién », bat ki,

A Voi mdi ménh de chira bien sau, tim nhimg gid tri cta bién @ nhén duoe mot ménh de
ding va mot ménh dé sat.
a) P(x): “x*=12",
b) O(x) “x*+ 1> 07
¢) R(n): “n+ 2 chia hét cho 37 (n 14 s0 twnhién).

3. Ménh dé phu dinh
; '*3) Xét cac cap ménh dé ndm cing dong ciia bang (co hai c6t P va P) sau day:;

P P
Dot la mot loai chim. Doi khong phai la mot loai chim.
7 khéng phai 14 mat s6 hitu i, 7 1a mot s6 hitu ti,

V244345 V24345
V218 =6 2418 #6.

Néu nhan xét vé tinh ding sai ctia hai ménh de cling cip.

Vi timg cipménh dé Pva P & ,@ ta thiy clning ¢6 tinh diing sai trai nguoe nhau (P dimg thi
P saiva ngurore lai). Tanot ménh a& P la ménh dé phit dinh (hoic phit dinh) cua menh &P
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Nhén xét: Thong thuong, dé phi dinh mot ménh dé, nguai ta thuong thém (hoic burt)
tir “khéng™ hodc “khéng phai” vao trude vi ngir cia ménh dé do, nhur hai cap ménh dé

dau tién & Q . Tuy nhién, ta cing thuong gip cach di2n dat khéc, nhar hai cap ménh dé

sau {3.@_
M&di ménh dé P ¢6 ménh dé phi dinh, ki hidula P

Ménh dé P va ménh dé pln dinh P ctia no co tinh dung sai trai nguoc nhau. Nghia la
khi P dung thi P sal, khu P sa1 thi P ding.

&

Vidu 3
Phat biéu ménh d& phi dinh ctia cac ménh dé sau:
P: “Thang 12 duong lich co 31 ngay™;
0: “9'° > 10,
R: “Phuwrong trinh x* + 1 = 0 co nghidm™.

Cridi
Ménh d& phu dinh ctia cac ménh dé trén la:
“Khong phai thang 12 duong hich co 31 ngay™,
gl 10%;
- “Phuong trinh x* + 1 =0 vd nghidm”.

| © "l

Phat biéu ménh dé phii dinh ctia cac ménh d@ sau, Xeét tinh ding sai cia méi ménh dé
va ménh dé phu dinh cua no.

a) Pans la thni do cua mroc Anh;

b) 23 1a 56 nguyén t6;

¢) 2021 chia hét cho 3;

d) Phuong trinh x* — 3x + 4 = 0 vo nghiém.

4. Ménh dé kéo theo

Q Xét hai ménh dé sau

(1) NeuABC la tam giac deu thi no la tam giac can;

(2)Néu2a—4>0thia>2.

a) Xét tinh diing sai ctia mdi ménh dé trén.

b) M&i ménh dé trén déu co dang “Néu P thi 0. Chi ra P va O tmg véi moi ménh dé do.
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M6i ménh de ¢ ﬁ déu co dang “Néu P thi 0. Ching la nhimg ménh dé kéo theo.

%* Cho hai ménh dé P va 0. Ménh dé “Neéu P thi 0 duoc goi 1a ménh dé kéo theo, ki hiéu
laP = 0.

Ménh & P = O chi sa1 klu P dung va O sa1.

Nhan xét:

a) Ménh dé P = Q con duge phat biula “P kéo theo 0™ hodc “Tu P suyra Q7.

b) Dé xét tinh diing sai ciia ménh dé P = O, ta chi can xét trrong hop P ding. Khi do,

néu O ding thi ménh dé ding, néu © sai thi ménh dé sai. Ta di quen voi dieu nay khi

chimg minh nhizu dinh i & Trung hoc co sd,

Vidu 4

Xét tinh ding sai ciia cac ménh dé saw;

a) R: “Néu tam giac ABC ¢6 hai goc bang 60° thi no la tam gidc déu™

b) T “Ta-3<-2suyra(3)p<(2)*"

Gidi

a) R la ménh dé co dang P = O, vol P “Tam giac ABC cohai goc bang 60°”va O: “Tam giac

ABCla tam giac dén”. Ta thay klu P dimg th © eting dimg. Do do, P = O dung hay R dimg.

b) 7 1a ménh dé cé dang P = O, vén P, *-3 <-2"va Q. “(-3)° < (-2)*’ (hay “9 < 4™).

Ta thay ménh @& P dimg, con ménh dé © sai. Do do, P = O sai. Vay 7' la ménh dé sai.
Trong toan hoc, dink Ii1a ménh d& ding. Céc dinh li trong toan hoe thuong ¢6 dang P = 0.

¥  Khiménh dé P = O la dinh 11, ta not:
P 1a gid thiét, O la két ludn cua dinh 1i;
P la diéu kién dit 3 co O;
O la diéu kién cdn & co P.

Vidus
Sir dung cac thuat ngir “diéu kién ca"m“f “diéu kién da” dé phat biéu lai dinh 1i: “Néu tir
giac ABCD la linh chit nhat thi hai duwong cheo bang nhau™.

Gidi
Ta ¢ the phat biéu lai dinh 1i @ cho nhar sau:
“Tir giac ABCD ¢6 hai dudang chéo bang nhau la diéu kién can dé né 1a hinh chir nhat”
hodc “Tit giac ABCD la hinh chit nhat 1a diéu kién du dé hai duong chéo bang nhau™,
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% Xét hai ménh de:
P: “Hai tam giac ABC va A'B'C' bang nhau”,
©: “Hai tam giac ABC va A'B'C’ c6 dién tich béng nhau”.
a) Phat biéu ménh de P = Q.

b) Ménh deP=0Qco phm la mét dinh li khong? Néu ¢, str dung thuat ngir “diéu kién
can”, “diéu kién di” dé phat biéu dinh li nay theo hai cach khéac nhau.

5. Ménh dé dao. Hai ménh dé twong duong

ﬁ‘} Xét hai minh 48 deng P <> @ sa:
“Neu tam giac ABC la déu thi né ¢o hai goc bang 607
“Néua*—4=0thia=2"
a) Chi ra P, O va xét tinh diing sai ciia méi ménh dé trén.
b) Véi moi ménh dé da cho, phat bieuménh dé @ => P va xét tinh ding sai ctia no.

&3

Ménh dé O = P duge goi la ménh dé ddo ciia ménh dé P = 0.

Chd y: Ménh d o ciia mdt ménh d& ding khong nhat thiét 1a ding.

* Néu ci hai ménh @ P = O va @ = P déu dung thi ta noi P va O la hai ménh dé

twong dwong, ki hiéu la P < O (doc 1a “P fwong dwong O hoac “P khi va chi
khi O).

Khi do, ta cling noi P la diéu kién cdn va di dé co O (hay O la diéu kién cin va
di dé co P).

Nhén xét: Hai ménh de P va O twong duong khi chiing cing diing hodic cing sai.

Vidué
Xét hai ménh dé:
P: "Tam giac ABC vuong tai 4™,
©O: “Tam giac ABC co AB*+ AC* = BC*".

Hai ménh dé P va O ¢6 tuong duong khong? Néu co, hdy phat biéu mét dinh 1i thé hién
digu nay. trong do co sir dung thuat ngir “khu va chi kln™ hodc “dieu kign can va dn™.
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Gidi
Theo dinh li Pythagore, hai ménh dé P = O va O = P déu ding. Do do, P va 0 14 hai
ménh dé tuong dwong. Ta co thé phat bifu thanh dinh 1i nlu sau:

“Tam giac ABC vuong tai4 khi va chi klu AB* + AC* = BC*”
hoidc “Dé tam giac ABC vuéng tai 4. diéu kién can va di la AB>+AC* =BC*".
@6 Xét hai ménh dé:
P: “T giac ABCD la hinh vuong™,
©: “Tu giac ABCD la hinh chit nhat c¢o hai dwong chéo vudng goc vol nhau”.
a) Phat biéu ménh d& P = O va ménh d& dio ciia no.

b) Hai ménh d2 P va O c6 twong durong khong? Néu co, sit dung thuat ngir “diéu kién
can va di” hoac “khi va chi khi” dé phat biéu dinh li P <> O theo hai cach khac nhau.

6. Ménh dé chura ki hiéu v, 3

Q Xét tinh diing sai cia cae ménh d2 sau:
(1) Vi moi s6 t nhién x, Jx lasévo ti;
(2) Binh phuong ciia moi s6 thue déu khéng am;
(3) C6 s6 nguyén céng voi chinh no bing 0;
(4) C6 56 tu nhién » sao cho 2r— 1 =0.

Trong toan hoc, d& ngin ngon, ngudi ta ding cac ki higu ¥ (doc la véi moi) va 3 (doc la

ton fai) dé phat biéu nhimg ménh dé nhw & Q - Ching han, cé thé viét lai cac ménh dé
trén lan lugt nhur sau:

(1) Vx € N, Jfx lasdvoti; Q) Vxe R *>0;
B3)IxeZx+x=0; A dneN2n-1=0

Tandi (1), (2) 1a ménh d@é chiva ki hiéu 7 (3), (4) 1a ménh @é chiva ki hiéu 3.
Téng quat hon, ¢6 thé phat biéu hai loai ménh dé nay nhu sau
“¥x € M, P(x)” va*“3Ix € M, P(x)",
voi M 1a mot tap hop, P(x) 1a mot ménh dé chira bién nao do.
:@: Ménh dé “Vx e M, P(x)” ding néu voi moi x, € M, P(x,) la ménh dé ding.
Ménh dé “Ix € M, P(x)” diing néu ¢6 x, € M sao cho P(x,) la ménh dé ding.

Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”
Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé tryc tiép qua SPT:0834 332 133
Page 8



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Vidu7

Xét tinh diing sai va viet ménh de phu dinh ctia cac ménh de sau:

AVreR ¥+ 2x+2>0; b)dxre Rx*+3x+4=0.
Gidi

a) Ménh dé ding, vi YA+ 2=("+ 2+ D+ 1=+ 1)+ 1 >0 véi moi s6 thue x.
Ménh dé phii dinh cia ménh dé nay la: Iy e B, x*+ 2x +2 <0.
b) Ménh dé sai, vi phuong trinh x* + 3x + 4 = 0 v nghiém (A= -7 < 0).

Meénh dé phi dinh ctia ménh dé nay la: Vx € B, x* +3x + 4 2 0.

% Sit dung ki hidu V, 3 d@é viét cac ménh dé sau:
a) Moi s6 thire c¢dng véi s6 dbi elia né déu bang 0,

b) C6 mot s6 tir nhién ma binh phirong bang 9.

% Xét tinh ding sai va viét ménh dé phu dinh etia cie ménh dé sau:
a)Vxe R x*> 0, b)dx e R x*=5x—4; )Ixe Z 2x+1=0.

Dang 1: Nhan biét ménh dé, ménh dé chira bién

1. Phuwong phap
Ménh dé 1a mot cau khéng dinh dung hoac mot cau khéng dinh sai.

(] Mot cau khéng dinh ding duoc goi la mot ménh dé ding, mot cau khéng dinh sai dugc goi la
ménh d¢ sai.

"1 Cau hoi, cau cam thang, cau ménh Iénh hodc cau chua xac dinh dugc tinh dling sai thi khong phai

12 ménh dé.
2. Céc vi du rén luyén Ki nang

Vi du 1: Céac cau sau day, cau nao 1a ménh de, cau nao khong phai 1a ménh dé? Néu 1a ménh dé hay cho

biét ménh dé d6 ding hay sai.
(1) O day dep qua!
(2) Phuong trinh z° — 3z + 1 = 0 v6 nghiém
(3) 16 khong 1a s6 nguyén t6
(4) Hai phuong trinh 2> — 4z +3 = 0 va 2° — Jr+3+1=0co nghiém chung.
(5) S6 7 ¢6 16n hon 3 hay khong?
(6) Italia v6 dich Worldcup 2006
(7) Hai tam gic bang nhau khi va chi khi chung c6 dién tich bang nhau.

Loi giai
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Cau (1) va (5) khong 12 ménh dé(vi 1a cau cam than, cau hoi)

Céc cau (3), (4), (6), 1a nhimg ménh dé ding
Cau (2) va (7) 1a nhirng ménh dé sai.
Vi du 1: Cho cac phat biéu sau, c6 bao nhiéu phat biéu 1a ménh dé?

a) Ha Noi la tha do cua Viét Nam.
b) xeR,x+2>5.

c) x—6<5.
d) Phuong trinh x* —6x+5=0 c6 nghiém.
A. 1. B. 2. C.3. D. 4.
Loi giai
Chon B.

Cau b), ¢) 1a ménh dé chira bién.
3. Bai tap tric nghiém

Ciu 1.  Phat biéu ndo sau day 1a mot ménh dé?

A. Mua thu Ha Noi dep qua! B. Ban c6 di hoc khong?
C. Pé thi mon Toan kho qua! D. Ha N6i la tha d6 cua Viét Nam.

Hwéng din gii
Chon D.
Phat biéu ¢ A, B, C 1a ciu cam va cau hoi nén khong 13 ménh dé.
Cau 2.  Cau nao sau day khong 1a ménh d&?
A. Tam giac déu 1a tam giac c6 ba canh bang nhau.
B. 3<1.
C.4-5=1.
D. Ban hoc gioi qué!
Huwéng din giai
Chon D.
Vi “Ban hoc gi6i qua!” 14 cau cam than khong c6 khiang dinh ding hoic sai.
Cau3.  Cho cac phat biéu sau déy:
1. “17 1a s6 nguyén t6”
2. “Tam giac vudng c6 mot duong trung tuyén bang nira canh huyén”
3. “Cac em C14 hidy ¢ ging hoc tap that tét nhé !”
4. “Moi hinh chir nhat déu ndi tiép duogc duong tron”

Hoi c6 bao nhiéu phat biéu 1a mot d&?

Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”
Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé truec tiép qua SPT:0834 332 133
Page 10



Cau 4.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

A. 4. B. 3. C.2. D. 1.

Huwéng din gidi

Chon B.
¢ Cau 1 1a ménh dé. + Cau 2 1a ménh dé.
¢ Cau 3 khong phai la ménh dé. ¢ Ciu 4 1a ménh dé.

Cho cac cau sau day:

1. “Phan-xi-pang 1a ngon ndi cao nhat Viét Nam”.

2.7 <9,86 7.

3. “Mét qua!”.

4. “Chi oi, miy gio r6i?”.

Hoi c6 bao nhiéu cau 1a m¢nh dé?

Al B. 3. C. 4. D. 2.
Hwéng din gii

Chon D.

Ménh dé 1a mot khéng dinh c6 tinh ding hodc sai, khong thé vira ding vura sai.

Do d6 1,2 1a ménh d& va 3,4 khong 1a ménh deé.

CAu ndo trong cac ciu sau khong phai 1a ménh dé?

A. 7 ¢6 phai 1a mot s6 vo ty khong?. B.2+2=5.
C. v/2 1a mét sé hitu ty. D.%=2.

Huwéng din giai

Chon A.

Cau 6. Trong cac cau sau, cau nao khong phai la m¢nh de?

A. Budn ngu qua!
B. Hinh thoi c6 hai duong chéo vudng géc vdi nhau.
C. 8 14 s6 chinh phuong.
D. Biang Cc 1a thii d6 ciia Mianma.

Loi giai.
Chon A

Céu cam than khong phai 1a ménh dé.

Cau 7. Trong cac cau sau, c6 bao nhiéu cau la khong phai la ménh dé?
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a) Hué 1a mot thanh phd cua Viét Nam.
b) Séng Huong chay ngang qua thanh phd Hué.
¢) Hay tra 161 cau hoi nay!
d) 5+19=124.
e) 6+81=25.
f) Ban c6 1di toi nay khong?
g) x+2=11.
A. 1. B. 2. C.3. D. 4.
Loi gidi.
Chon C
Céc cau c), ), g) khong phai 1a ménh dé
Cau 8: Trong céac cau sau, c6 bao nhi€u cau la ménh dé?
a) Hay di nhanh Ién!
b) Ha Noi 1a thua d6 cua Viét Nam.
C) 5+7+4=15.
d) Nam 2018 1a nam nhuan.
A. 4. B. 3. C.1. D. 2.
Loi gidi.
Chon B
Cau a) 1a cau cam than khong phai 1a ménh deé.
Cau 9: Trong céac cau sau, c6 bao nhiéu cau la ménh dé?
a) C4 1én, sip doi roi!
b) S6 15 1a s6 nguyén tb.
¢) Tong cac goc ciia mot tam gic 13 180°.
d) x 1a s6 nguyén duong.
A. 3. B. 2. C. 4. D. 1.
Loi gidi.
Chon B
Cau a), d) khong 12 ménh deé.
Cau 10: Trong cac cau sau, cau nao la ménh dé?

A. Di ngi di!
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B. Trung Qudc 12 nudc déng dan nhét thé gisi.
C. Ban hoc truong nao?
D. Khong dugc lam viéc riéng trong gid hoc.
Loi gidi.
Chon B
Cau 11: Trong cac ménh dé sau, ménh dé nao 1a ménh dé dang?
A. Tong ctia hai sd ty nhién 12 mot sé chin khi va chi khi ca hai s déu 1a sb chén.
B. Tich cta hai sb tu nhién 1a mot s6 chén khi va chi khi ca hai s6 déu 1a sb chin.
C. Tong cta hai sd tu nhién 12 mot s 1é khi va chi khi ca hai sb déu 1a s 1¢.
D. Tich ctia hai s6 tw nhién 1a mot s6 18 khi va chi khi ca hai s6 déu 14 sé 1¢.
Loi gidi.
Chon D
A 12 ménh d¢é sai: Vi du: 1+3=4 14 s6 chin nhung 1,3 1a 56 1é.
B 12 ménh dé sai: Vi du: 2.3=6 1a s6 chin nhung 3 la s6 1¢.
C 1a ménh d@ sai: Vi du: 1+3=4 1a s chin nhung 1,3 1a 36 1é.
CAu12: Ménhdé VxeR,x* —2+a >0 vdia la sb thuc cho trude. Tim a dé ménh dé ding
A.a<l?2. B.a<2. C.a=2. D.a>2.
Loi giai
Chon A
VivieR,x’ -2+a>0x" >2-a<2-a<0&a<2.
Cau 13:  V6i gia tri ndo cia x thi "x* —1=0,x € N" 1a ménh dé dung.
A x=1. B. x=-1. C. x==1. D. x=0.
Loi gidi
Chon A
B. Khéng hiéu rd cau hoi va tap N.
C. Khong hiéu 1 cau hoi va tap N .

D. Khong biét giai phuong trinh.

Dang 2: Xét tinh diing sai ciia ménh dé

1. Phwong phap

Mot cau khéng dinh dung 1a ménh dé dang, mdt cau khéng dinh sai 1a ménh dé sai.
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Vi du 1: Cho ménh dé chira bién P(x) "3x+5<x"" v6ix 1a s thuc. Ménh d& nao sau déy la ding:

A. P(3). B. P(4). C. P(1).
Huwéng din giai
P(3): "3.3+5<3""<"14<9" la ménh dé sai.
P(4): "3.4+5<4*" <"17<16" la ménh d¢ sai.
(1):

P(1):"3.1+5< 1" < "8 <1" la ménh dé sai.

P(5): "3.5+5<5"" <"20<25" 1a ménh dé ding.

Vidu 2: Trong cac cau sau, cau nao la ménh dé dung?

A. Néu a>b thi & > b,
B. Néu a chia hét cho 9 thi « chia hét cho 3.

C. Néu em cham chi thi em thanh cong.

D. Néu mét tam gidc c6 mot goc bang 60° thi tam giac do déu.

Huwéng din gii
Chon B.
Ménh dé A 12 mot ménh dé sai vi 6<a<0 thi »> >a>.

A A A A 4 . =9n, Z .
M¢énh dé B 1a ménh dé dung. Vi 4:9 :>{g:3 el s,

Céu C chua 1a ménh dé vi chua khang dinh dugc tinh ding, sai.

D. P(5).

Ménh dé D 14 ménh dé sai vi chua du diéu kién dé khing dinh mot tam giac 1a déu.

3. Bai tap tric nghiém

Cau 1:

Chon ménh dé ding trong cac ménh dé sau.

A.VxeR saocho x+1>x. B. V xR sao cho |x|=x.

C.3xeR saocho x-3=x". D. 3xeR sao chox’<0.
Loi giai

Chon A

A: bung vi VT ludén 16n hon VP 1 don vi.

B: HS nham trong tap hop sb tu nhién.

C: HS nham 14 tim dugc x & VT dé duoc sb chinh phuong & VP.
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D: HS nhim &'s6 0 .

Cau 2. Trong cac ménh dé sau, ménh dé nao dang?
A.VxeR, x¥*>1=>x>-1. B.VxeR, x*>1=x>1.
C.VxeR, x>-1=x*>1. D.VxeR, x>1 = x*>1.

Hwéng din gii
Chon D.

x < \ \ ‘
Taco VxeR, ¥’ >1< { { Ta xét theo mdt chi€éu cia ménh deé ta thay D dung.
x>

Cau 3. Trong cic ménh dé sau, ménh dé nao dang?
A. 642 14 s6 hitu ty.
B. Phuong trinh x> +7x—2=0 c6 2 nghiém trai diu.
C. 17 1a sb chan.
D. Phuong trinh x* + x+7 =0 c6 nghiém.
Huwéng din giai
Chon B.
Phuong trinh x* +7x-2=0 c6 ac=1 .(—2) <0 nén nd c6 2 nghiém trai diu.
Vay ménh dé o phuong an B 1a ménh dé ding. Cac ménh dé con lai déu sai.
Céu 4: Trong cac cau sau, cau nao la ménh dé ding?
A.Néu a>b thi & >,
B.Néu a chia hét cho 9 thi « chia hét cho 3.
C. Néu em chim chi thi em thanh cong.
D. Néu mot tam gidc c6 mot goc bang 60° thi tam giac do déu.
Loi giai.
Chon B
Ménh dé A 12 mdét ménh dé sai vi 6<a<0 thi o> <#>.

" X A X 47 - =9n, Z .
Ménh dé B 1a ménh dé dung. Vi 4:9 :>{;:3 mREL a3,

Cau C chua 1a ménh dé vi chua khéng dinh dugc tinh dung, sai.

Ménh dé D 1a ménh d¢é sai vi chua du diéu kién dé khing dinh mot tam giac 13 déu.
Cau 5: Trong cdc m¢nh dé sau, ménh dé nao 1a ménh dé sai?

A, —m<-2&71 <4, B. n<4 <’ <16.
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C. V23 <5=223<25. D. V23 <5= 223> -25.
Loi giai.
Chon A

Xétdap an A. Tacd: n° <4 & |n| <2 —2<7<2. Suyra A sai.

Cau 6: Trong cic ménh dé duéi ddy ménh dé nao dung?
A VxeR, x*+1>0. B. VxeR, x* > x.
C.3reQ, r*=7. D. VneN,n+4 chia hét cho 4.
Loi giai
Chon A

A:Pungvi x> >0 nén x° +1>0.
B: HS hiéu nhidm moi s binh phwong déu 16n hon chinh né.

C: HS hiéu nhim 7 € Q.

Cau 7: Hoi trong cac ménh dé sau ddy ménh dé nao 13 ménh dé dung?
A "WxeRx>3=x">9". B."VxeR,x>-3=x">9".
C."VxeR,x*>9=x>3". D."VxeR,x*>9=x>-3".
Loi giai
Chon A

B, C, D sai 1a khong biét ménh dé kéo theo.

Dang 3: Phii dinh ciia ménh dé

1. Phwong phap
Cho ménh d& P. Ménh d& “Khong phai P ” goi 1a ménh d& pha dinh cia P . Ky hiéu la P. Néu P
dang thi P sai, néu P sai thi P ding .
Cho ménh dé chira bién P(x) véi x e X
] Ménh dé phu dinh ctia ménh dé& "Vx e X,P(x)" 1a "3x € X, P(x)"
] Ménh dé phu dinh ctia ménh dé "3x € X,P(x)" 1a "Vx e X,P(x)"
2. Cac vi du rén luyén ki nang
Vi du 1: Néu ménh dé pha dinh ctia cac ménh dé sau, cho biét ménh dé nay dung hay sai?
P : " Hinh thoi c6 hai duong chéo vuong géc vdi nhau"

Q : " 614 s6 nguyén t6"
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R:" Téng hai canh cia mgt tam giac 16n hon canh con lai"
S:"5H>-3"

K : " Phuong trinh z* — 22° + 2 = 0 ¢6 nghiém "

i (Bodi2) -a
Loi giai

Ta ¢ cac ménh dé phu dinh la

P : " Hai duong chéo cua hinh thoi khéng vudng goc v6i nhau", ménh dé nay sai

é : " 6 khong phai 1a s6 nguyén t&", ménh dé nay dang

E 2" Téng hai canh cua mdgt tam giac nho hon hoac béng canh con lai", ménh dé nay sai
g . "5 < —3" ménh dé nay sai

Vi du 2: Cho ménh dé chira bién " P(:E) cx > 2", xét tinh dung sai cua cac ménh dé sau:

a) P(1) b)P[é] ¢) Vz € N, P(z) d) 3z € N, P(z)
Loi gidi
a)Taco P(1):1>1° day la ménh dé sai
(1)1 e
b) Tacod P 3 :§> —| day la ménh dé ding

¢)Tacd Yz € N, z > z° 1a ménh dé sai vi P(l) 14 ménh dé sai
d)Taco dz € N, z < 2° 12 ménh dé dingvi z —z° = x(l - x)(l + :E) < 0 vo&i moi s tu nhién.
Vi du 3: Dung céc ki hiéu dé viét cac cau sau va viét ménh dé phu dinh cta no.
a) Tich cua ba s6 tu nhién lién tiép chia hét cho sau
b) V&i moi s thuc binh phuong cta né 13 mot sé khong am.
¢) C6 mot sé nguyén ma binh phuong cia né bang chinh no.
d) C6 mot s hiru ti ma nghich dao ctia né 16n hon chinh no.
Loi gidi

a)Taco P:VneN, n(n+1)(n+2):6, ménh dé phidinh1a P :3n € N, n(n +1)(n +2)/6.

b) Tacd Q :Vz € R, z* > 0, ménh dé phu dinh la g) drz e R, 2 <0
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¢)Taco R:3n € Z,n> =n ,ménh déphudinh1a R:Vn € Z, n® = n.

1 3 ) 1
d) ¢ € Q, — > g, ménh d€ phudinhla Vq € Q,— < ¢.

q q
Vi du 4: Xéc dinh tinh dung sai cia ménh dé sau va tim phu dinh cta né :
a)A:"Vz e R 2> >0"

b) B: " Ton tai s6 tu nhién déu la s6 nguyén t5".
¢)C: "3z €N,z chiahétchoz +1"
d)D:"Vn e N, n' —n*+11ahopsd"

e) E: " Ton tai hinh thang 13 hinh vuong ".

HF: " Tbn tai s6 thuc a sao cho a + 1+ <2"

a-+1
Loi gidi
a) Ménh d& A ding va A: 3z € R, 22 < 0
b) Ménh dé B ding va B :"Véi moi s& tu nhiéu déu khong phai 13 s6 nguyén 6"
¢) Ménh d& C dung vicho x=0 va C:"Vz € N,xl(m + 1)"
d) Ménh d& D sai vi voi n = 2 tacod n' —n® +1 = 13 khong phai 14 hop sd
Ménh dé pha dinh 1a D:"ImeN,n* —n?+1 lashsb nguyén to"

e) Ménh dé E dung va E : " Véi moi hinh thang déu khong 13 hinh vuéng ".

f) Ménh d F dang vi ménh d& phu dinh 3 F: " Vé&i moi s6 thuc a thi a + 1+ > 2"

a+1
3. Bai tap tric nghiém
Caul.  Choménh dé: “VxeR,x*+3x+5>0”. Ménh dé phu dinh ciia ménh dé trén 1a
A. VxeR,x* +3x+5<0. B. 3xeR,x*+3x+5<0.
C. VxeR,x*+3x+5<0. D. IxeR,x*+3x+5>0.
Huwéng din giai

Chon B.

Chii y: Phu dinh cia ménh dé “Vx e R,p(x)”1a“3xe R, p(x)”.
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Cau 2.

Cau 3.

Cau 4.

Cau 5.

Caiu 6:
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Cho ménh d& “C6 mot hoc sinh trong 16p C4 khong chap hanh luat giao thong”. Ménh dé phu
dinh ctia ménh dé nay la

A. Khong c6 hoc sinh nao trong 16p C4 chip hanh luat giao thong.
B. Moi hoc sinh trong 16p C4 déu chip hanh luat giao thong.
C. C6 mot hoc sinh trong 16p C4 chip hanh luét giao thong.
D. Moi hoc sinh trong 16p C4 khong chap hanh luat giao thong.
Huwéng din gii
Chon B.
Ménh d& phu dinh 13 “ Moi hoc sinh trong 16p C4 déu chip hanh luét giao thong”.

Cho ménh dé&: «“ C6 mdt hoc sinh trong 16p 10A khong thich hoc mén Toan”. Ménh dé phu
dinh ctia ménh dé nay la:

A. “ Moi hoc sinh trong 16p 10A déu thich hoc mon Toan”.

B. “ Moi hoc sinh trong 16p 10A déu khong thich hoc mén Toan”.

C. “ Moi hoc sinh trong 16p 10A déu thich hoc mon Van”.

D. “ C6 mot hoc sinh trong 16p 10A thich hoc moén Toan”.
Hwéng din gii

Chon A.

Ménh dé phu dinh ctia ménh d& “2018 1a sb tu nhién chin” 1a

A. 2018 1a s chén. B. 2018 1a s6 nguyén to.

C. 2018 khong 1a sb tir nhién chin. D. 2018 1a s chinh phuong.
Huwéng din giai

Chon C.

Ménh dé: “Moi dong vat déu di chuyén” c6 ménh dé phu dinh 1a

A. C6 it nhat mot dong vat di chuyén. B. Moi dong vat déu dimg yén.

C. Co it nhat mot dong vat khong di chuyén.  D. Moi dong vat déu khong di chuyén.
Huwéng din giai

Chon C.

Cho ménh dé “Vx € R, x> —x+7 <0”. Hoi ménh dé nao 1a ménh dé phu dinh ciia ménh dé

trén?
A. IxeRx*—x+720. B. VxeR,x*—x+7>0.
C.VxeRx*—x+7<0 . D. AxeR,x* —x+7<0.

Loi giai
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Cau 7:

Cau 8:

Cau 9:
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Chon A

B : sai la gi khong dung dtng ki hiéu cta phu dinh.
C : sai la gi khong dung dang >.

D : sai ki hiéu khong ton tai.

Cho ménh dé: "3x e R|2x* —3x—5 < 0". Ménh dé phu dinh s& 1a

A. "‘v’xeR‘2x2+3x—520". B. "‘v’xeR‘2x2+3x—5>O".

C. "EIxeR‘2x2+3x—5>O". D. "EIxeR‘2x2+3x—520”.
Loi gidi

Chon A

Pap 4n A dang vi phu dinh ctia "3" 1a "V" va phii dinh cta ddu "<" 1a ddu ">".
Dap an B sai vi hoc sinh nham phu dinh ciia ddu "<" 1a ddu ">".

Pép an C sai vi hoc sinh khéng nhé phu dinh caa "3" 1a "V" va phu dinh ddu "<" 1a dau
n 2 n .

Péap an D sai vi hoc sinh khong nhé phua dinh cua "3"1a "V".

Ménh dé phu dinh cia ménh dé&: Vxe R, x> +x+5>0 1a

A. IxeR,x*+x+5<0. B. Vxe R, x> +x+5<0.

C.IxeRx*+x+5<0 . D.VxeR,x*+x+5<0.
Loi giai

Chon A

B: HS quén bién d6i lwong tir.
C: HS quén truong hop diu bang.
D: HS quén ca dbi luong tir va dau bang.
Ménh dé phu dinh ciia ménh dé “Phuong trinh ax” +bx+c =0 (a # O) v6 nghiém” la ménh
dé nao sau day?
A. Phuong trinh ax’ +bx+c=0 (a # 0) c6 nghi¢m.
B.. Phuong trinh ax” +bx+c=0 (a # 0) ¢6 2 nghiém phan biét.
C. Phuong trinh ax’ +bx+c=0 (a % 0) c6 nghiém kép.
D. Phuong trinh ax” +bx+c =0 (a # 0) khong cé nghiém.

Loi giai
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Cau 10.

Cau 11.

Cau 12.

Cau 13.
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Chon A

Pép an A ding vi phu dinh v6 nghiém la c6 nghiém.

Daép an B sai vi hoc sinh nhdm phu dinh v6 nghiém 13 phuong trinh sé& c6 2 nghiém phan biét.
Paép an C sai vi hoc sinh nhdm phu dinh v6 nghiém 13 ¢6 1 nghiém tirc nghiém kép.

Paép an D sai vi hoc sinh khong hiéu cau héi cua dé, hoc sinh nghi v6 nghiém 13 khéng c6
nghi¢m.

Tim ménh dé pha dinh cia ménh dé: Vxe R, x> +x+5>0.

A. IxeR,x*+x+5<0. B. VxeR, x> +x+5<0.

C.VxeR,x*+x+5<0. D. IxeR,x*+x+5<0.
Hwéng din gii

Chon D.

VxeR,x’+x+5>0.Suy raménh dé phu dinh 13 3x e R, x> + x+5<0.

Tim ménh dé pha dinh ctia ménh dé& "Vx e R: x> > x".

A. VxeR:x*<x. B. 3xeR:x*>x. C.3IxeR:x*<x. D.IxeR:x* <x.

Huwéng din giai

Chon C.

Ménhdé 4:"VxeR:x*>x"= A4:"IxeR: x> <x".

Cho x 14 s6 tu nhién. Pha dinh ctia ménh dé “Vx chin, x* + x 1a sd chin” 1a ménh dé:

A.3x 1, X +x lasb le. B. 3x 1&, x> +x 1a s chén.

C. Vx 1&, x* +x lasd e D. 3x chén, x*+x lasd I&.
Huwéng din gii

Chon D.

Ménh dé phu dinh 1 “3x 1¢, x> +x 1&”.

Phu dinh ciia ménh @& "Ix e Q:2x> —5x+2=0" 1a

A "IxeQ:2x* =5x+2>0". B."IxeQ:2x* -5x+2#0".

C."VxeQ:2x* —5x+2#0". D."VxeQ:2x*-5x+2=0".
Hwéng din gii

Chon C.

Vi phu dinh ciaménhdé "Ixe Q:2x> -5x+2=0"1a "VxeQ:2x* —5x+2#0".
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Ciu 14. Cho ménh dé& “VxeR,x*—x+7<0”. Hoi ménh dé nao 1a ménh dé phu dinh ctia ménh dé

trén?

A.VxeR,x*—x+7>0. B. Axe R,x* —x+7<0.

C.3xeR, x*-x+72>0. D. IxeR,x*—x+7<0.
Huwéng din giai

Chon C.

Phu dinh cia ménh dé “Vxe R, x> —x+7<0” laménhdé “IxeR, x> —x+7>0".
CAu 15. Ménh dé phu dinh cia ménh & “Ixr e R, x> +x+13=0"1a

A “VxeR, x> +x+13£0". B.“IxeR, x*+x+13>0".

C.“VxeR, x¥*+x+13=0". D.“IxeR, x¥* +x+13%0".

Hwéng din gii

Chon A.

Ménh dé phu dinh cia ménh d& “Ix e R, x> +x+13=0"1a“VxeR, x> +x+13#0".
Céiu 16. Tim ménh dé phu dinh cia ménh dé P:"Vxe N;x> +x—1>0".

A. l_)Z"V)CEN;xz +x—-1>0". B. P:"IxeN;x*+x-1<0".

C. F’:"erN;x2 +x—-1>0". D. P:"VxeN;x* +x—-1<0".
Hwéng din gii

Chon B.

Dang 4: Ménh dé kéo theo, ménh dé dio va hai ménh dé twong dwong

1. Phuwong phap
Cho2ménhdé P va Q.
] Ménh dé “Néu P thi Q” goi la ménh d& kéo theo. Ky hiéu la P=Q.Ménh d& P = Q chi sai
khi P diing Q sai, va ding trong céc truong hop con lai.
] Cho ménh d& P = Q.Khi d6 ménh d& Q = P goi 1a ménh dé déo cia P= Q.
] Ménh dé “ P néu va chi néu Q> goila ménh dé tuong duong, ky hiéu P < Q. Ménh déro 0

dung khi ca hai ménh dé kéo theo P = Q va Q = P déu diing va sai trong cac truong hop con

lai.
2. Céc vi du rén luyén Ki nang

Vi du 1: Phat biéu ménh @& P = @ va phat biéu ménh dé dao, xét tinh dung sai ctia no.
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a) P : " Tagiac ABCD la hinh thoi" va Q : " Tt giac ABCD AC va BD cit nhau tai trung
diém mdi duong"

B)P:"2>9"vaQ:"4< 3"

c) P: " Tam giac ABC vudngcantai A" va @ : " Tam giac ABC c6 ;1 = 2ZA3 "
d) P :" Ngay 2 thang 9 1a ngdy Qudc Khanh ctia nude Viét Nam" va Q : " Ngay 27 thang 7 1a
ngay thuong binh liét si"

Loi gidi
a) Ménh & P = Q 1a" Néu tir giac ABCD 14 hinh thoi thi AC va BD cit nhau tai trung diém
mdi duong", ménh dé nay ding.
Ménh dé déao 1a Q = P : "Néu tir giac ABCD c¢6 AC va BD cit nhau tai trung diém mdi duong
thi ABCD 1a hinh thoi ", ménh d¢ nay sai.
b)Ménhdé P = Q 1a"Néu 2 > 9 thi 4 < 3", ménh dé nay diing vi ménh dé¢ P sai.
Ménh dé da01a Q= P : "Néu 4 < 3 thi 2 > 9", ménh dé nay dang vi ménh dé Q sai.
¢) Ménh dé P = Q 1a" Néu tam gidc ABC vudng can tai A thi A = 2B ", ménh dé nay dung
Ménh & dao 13 Q = P :" Néu tam giac ABC' ¢ ;1 = 2;9 thi n6 vudng can tai A", ménh dé
nay sai
d) Ménh dé P = @ 1a " Néu ngay 2 thang 9 1a ngdy Qudc Khanh ctia nuée Viét Nam thi ngay
27 thang 7 1a ngay thuong binh liét si"
Ménh dé ddo 1a Q = P : " Néungiy 27 thang 7 1a ngay thuong binh liét si thi ngay 2 thang 9 1a

ngay Qudc Khanh cia nude Viét Nam"
Hai ménh d¢é trén déu ding vi ménh dé P, déu dung
Vi du 2: Phat biéu ménh @& P < @ bang hai cach va va xét tinh dung sai ciia n6

a) P : "Tu giac ABCD lahinh thoi" va Q:" Tu gidc ABCD la hinh binh hanh c6 hai duong

chéo vuong goéc voi nhau"
b) P : " Bt phuong trinh V2> — 3z > 1 ¢6 nghiém" va Q : " (—1)2 =3.(-1)>1"
Loi giai
a) Ta co ménh dé P < Q dung viménhdé P = Q, Q = P déu dung va dugc phat biéu

bang hai cach nhu sau:

"T& giac ABCD 1a hinh thoi khi va chi khi tr gidc ABCD 1a hinh binh hanh c6 hai duong
chéo vudng goc voi nhau' va
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"Tr giac ABCD 12 hinh thoi néu va chi néu t gidc ABCD 1a hinh binh hanh c6 hai dudng
chéo vuong goc voi nhau"
b) Ta cé ménh dé P < @ dung vi ménh d&é P, Q déu dung(do dd ménhdé P = Q, Q = P

déu dung) va dugc phat biéu bang hai cach nhu sau:

" Bét phuong trinh V2? — 3z > 1 ¢6 nghiém khi va chi khi \/(—1)2 —3.(-1)>1"va

" Bat phuong trinh v z? — 3z > 1 ¢6 nghiém néu va chi néu \/(—1)2 — 3.(—1) > 1"

3. Bai tap tric nghiém

Cau l.

Cho dinh 1i “Néu hai tam giac bang nhau thi dién tich ching bang nhau”. Ménh d& nao sau day
dang?

A. Hai tam gi4c bang nhau 1a diéu kién can dé dién tich chung bang nhau.
B. Hai tam giac bang nhau 13 diéu kién can va du dé chang c6 dién tich bang nhau.
C. Hai tam giac c6 dién tich bang nhau 1a diéu kién du dé chung bang nhau.
D. Hai tam gi4c bang nhau la diéu kién du d¢é dién tich chiing bang nhau.
Huéng din giai
Chon D.
+ “Hai tam gic bang nhau” 1a diéu kién du.
» “Dién tich bang nhau” 1a diéu kién can.

Trong cac ménh dé sau ddy, ménh dé nao c6 ménh dé dao 1a dung?
A.Néu a va b cung chia hét cho ¢ thi a+b chiahét cho c.

B. Néu hai tam giac bang nhau thi dién tich bang nhau.

C.Néu a chia hét cho 3 thi a chia hétcho 9.

D. Néu mét sb tan cung bang 0 thi s6 d6 chia hét cho 5.

Loi giai

Chon C

Néu a chia hét cho 9 thi @ chia hét cho 3 1a ménh dé dung.
Trong cac ménh dé sau, ménh dé nao khong phai 1a dinh 1i?

A. 3x e N, x?chia hét cho 3= x chia hét cho3.

B. 3x e N, x?chia hét cho 6 = x chia hét cho 3.

C. Vx eN, x*chia hét cho 9= x chia hétcho 9.

D. 3x e N, xchia hét cho 4 va 6 = x chia hét cho 12.

Loi gidi
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Chon D
Dinh Iy s& 1a: Vx e N, x chia hét cho 4 va 6= x chia hét cho 12.

Cau 4: Trong cac ménh dé sau, ménh dé nao 1a dinh 1i?
AVxeRx>2=x*>4.

B.VxeR,x>2=x*>4.

C.VxeRx*>4=x>2.
D.Néu a+b chiahét cho 3 thi a, b déu chia hét cho3.
Loi giai

Chon B

Dang 5: Ménh dé véi ki hiéu véi moi, ton tai

1. Phwong phap

e Ki hiéu V: doc 13 v6i moi, 3: doc 12 ton tai
e Ménh dé phu dinh cia ménh dé "Vxe X, P(x)" 1a "Ixe X, P(x)".
e Ménh dé phu dinh cia ménh dé "Ix e X, P(x)" 1a "Vxe X, P(x)".

2. Cac vi du rén luyén Ki nang

Céu 1: Ménh & "3x e R,x* =3" khing dinh ring:
A. Binh phuong ctia mdi s6 thuc bang 3.

B. C6 it nhat mot sb thye ma binh phuong cua nd bang 3.
C. Chi c6 mot sb thuc ¢ binh phuong bang 3.
D. Néu x lasd thuc thi x* =3.
Loi giai
Chon B.
Chu 2: Ki hiéu X 14 thp hop céc cdu thu x trong ddi tuyén bong 1o, P(x) 1a ménh dé chira bién

“x cao trén 180 cm”. Ménh dé "Vx € X, P(x)"khang dinh rang:
A. Moi cdu thu trong doi tuyén bong rd déu cao trén 180 cm .

B. Trong sb cac cau thi cua doi tuyén bong rd c6 mot sé cau thi cao trén 180 cm .
C. Bt cir ai cao trén 180 cm déu 1a cau thi caa doi tuyén bong rd.
D. C6 mot s6 ngudi cao trén 180 em 1 cau thu cua doi tuyén bong ro.

Loi gidi

Chon A.
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CAu 3: Ménh dé nao sau day la phu dinh cua m¢nh dé: “Moi dong vat déu di chuyén”.
A. Moi dong vat déu khong di chuyén.
B. Moi dong vat déu dimg yén.
C. C¢ it nhit mot dong vat khong di chuyén.
D. C6 it nhat mot dong vat di chuyén.
Loi giai
Chon C.
Phu dinh cta “moi” 1a “c6 it nhat”
Phu dinh cta “déu di chuyén” 1 “khong di chuyén”.

Cau 4: Phu dinh ctia ménh dé: “C6 it nhat mot sd vo ty 1a s thap phan vo han tudn hoan” 1a ménh
dé nao sau day:

A. Moi s6 vo ty déu 1a s6 thap phan v6 han tuan hoan.
B. C6 it nhat mot sb vo ty 13 sb thap phan vo han khéng tuan hoan.
C. Moi sb vo ty déu 1a sb thap phan v6 han khong tuan hoan.
D. Moi s6 v6 ty déu 1a sé thap phan tuan hoan.
Loi giai
Chon C.
Phu dinh cia “c6 it nhat” 1a “moi”
Phu dinh cua “tuan hoan” 14 “khong tuin hoan”.

Ciu 5: Choménhdé 4: “VxeR,x* —x+7<0” Ménh dé phu dinh cua 4 la:

A VxeR,x>—x+7>0. B. VxeR,x*—x+7>0.

C.Kh(‘)ngténtaix:xz—x+7<0. D. IxeR,x*- x+72>0.
Loi giai

Chon D.

Phi dinh cta vV 1a 3
Phu dinh cta < la >.
3. Bai tap tric nghiém
Caiul. Tim ménh dé sai.

A"V Xt +2x+3>0", B. "Vx;x* > x".
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C."3Ix;x* +5x+6=0". D. "Elx;x<l".
X

Loi giai.

Chon B.
Chon x=%:>x2 < x.Vay ménh dé B sai

Cau 2: Meénh dé nao sau ddy ding?

A. VxeR,x*—x+1>0. B. IneN,n<0.
C.IneQ,x*=2 . D.Ver,l>O.
x
Loi gidi
Chon A

2
Chon A Vi xz—x+1:(x—%j +%>0,‘v’xeR.

Cau 3.  Ménh dé nao sau la ménh dé sai?

A.VxeR:x*>0. B. 3xeR:x>x’

C.3dneN:n’=n. D. VneN thi n<2n.

Hwéng din gii
Chon A.
Tacod 0eR va 0> =0 nén ménh dé Vx e R:x* >0 la ménh dé sai.

Ciud.  Chon ménh dé sai.

A “VxeR:x*>0”. B.“3dmeN:n*=n". C.“VneN:n<2n”.

Huwéng din giai
Chon A.
V6i x=0eR thi x>’ =0 nén“VxeR:x* >0 sai.

Cau 5.  Tim ménh dé dang.

WEB: TOANTHAYCU.COM

D.“IxeR:x<1”.

—1)54"

A" x* +3=0" B. "Ix;xt +3x°+2=0"

C."VxeZ;x’ >x> " D. "Vne N;((2n+1)2
Loi giai.

Chon C.
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(2n+1) ~1=4n’ +4n=4(n’ +n):4;¥n € N. Vay ménh dé C ding
Trong cac m¢nh dé sau, ménh dé nao sai?
A.3neN, n* +11n+2 chia hétcho 11. B. 3neN, n*+1 chia hét cho 4.
C. Ton tai s6 nguyén t6 chia hét cho 5. D.3dneZ, 2x* -8=0.
Huwéng din gii
Chon B.
+ Xét ddp 4n A. Khi n =3 thi gi4 tri cua (n2 +11n+ 2) bang 44:11 nén dép an A ding
+ Xét dap an B. Khi n =2k, k € N= n’> +1=4k” +1 khong chia hét cho 4, ke N .
Khi n=2k+1LkeN=n’ +1:(2k+1)2 +1=4k> + 4k +2 khong chia hét cho 4, ke N.
+ Xét dap 4n C. Ton tai s6 nguyén t6 5 chia hét cho 5 nén dap an C ding
+ Xét dap an D. Phuong trinh 2x> —-8=0< x* =4 < x=-2; x =2 € Z nén dap 4n D ding.
Trong cac m¢nh dé sau, ménh dé nao dang?

A. VxeR (x—l)z;tx—l. B. VxeR,

b

x|<3<:>x<3.

C. IneN,n* +1 chia hét cho 4. D. VneN, n® +1 khong chia hét cho 3.
Huwéng din giai
Chon D.
Asaivivéi x=1 thi (x—1)" =x-1.
B sai vi khi x=-4<3 nhung |x|=4>3.
C sai vi
1 Néu n=2k (keN) thi n* +1=4k"+1 s6 nay khong chia hét cho 4.
1 Néu n=2k+1(keN) thi n’ +1=4k>+4k+2 s6 nay ciing khong chia hét cho 4.
D dung vi
1 Néu n=3k (keN) thi n’ +1=9k"+1 sb nay khong chia hét cho 3.

) Néu n=3k=1(keN')lim thi n*+1=9k+6k+2 s6 ndy khong chia hét cho 3.

X—0
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ai 3. Cac phép toan trén tap hop

Tirkhod: Hop; Giao; Hiéu; Phan b.

@ (6 hai dutng tron chia mét hinh chif nhdt ¥ a3, mms
thanh cacmién nhu hinh bén. ;
Hay dat moi thé sé sau day vao mién thich
lmptren hinh dmmmqm

1. Hop va giao clia céc tép hop

) Bang sau ddy cho biét két qui vong phong van tuyén dung vao mdt cong ty (déu“+"1a dat,
ddu “— la khéng dat):

M3 56 g vién a, a, a, a, a ag a, ay a, yy

Chuyén mon + g - - + e i ¢ _ e

Ngoai ngdr a7 - -t - + i — e - e

a) Xac dinh tap hop A4 gom cac tmg vién dat yéu
cau ve chuyen mon, tap hop B gém cac ung vién
dat yéu can vé ngoai ngir.
b) Xac dinh tap hgp C gom cac 'mg vién dat yéu
ciu ca vé chuyén mon va ngoai ngit.
¢) Xac dinh tdp hop D gom cac ung vién dat
it nhat mot trong hai yéu can vé chuyén mén va
ngoai ngir.
s y [
Cho hai tap hop A va B.
Tép hop céc phan tir thude 4 hoic thude B goi 1a hgp cia TUB
hat tap hop 4 va B, ki hiéu4 w B.
AuB={x|xe4hoacx e B}

Tap hop cac phan tir thude ca hai tip hop 4 va B goi la giae
cua hai tap hop A va B, ki higud n B.
AnB={x|xe Advax eB}.

Vidu1 Hinh 2
Xac dinh.4 U B va .4 ~ B trong moi tnromg hop sau:

a)A=(2:3;57), B={1:3;5,15)

bAd={xe -_%;|x(x+ =0} B={xeR|x'+2=0)

¢) 4 la tap hop cac hinh binh hanh, B 1a tip hop cac hinh tho.

g

Gidi
pAwB={1;2,357,15},AnB={335].
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b) Phuong trinh x(x + 2) = 0 ¢ hai nghiém la 0 va -2, nén4 = {-2; 0}.
Phuong trinh x* + 2 = 0 v6 nghiém, nén B=@.
T do,AwB=Auw@=4={2.0},AnB=An@=0.

¢) Vi mo1 hinh thei ¢iing 1a hinh binh hainhnén B 4. Tirdo,4 WUB=4, 4~ B=8

Vidu2
Lé_ﬂp 10D ¢6 22 ban choi béng da, 25 ban choi cau lc‘mg va 15 ban choi ca hai mén
thé thao nay. Héi 16p 10D ¢6 bao nhiéu hoe sinh choi it nhat mét trong hai mén thé thao
béng da va cau léng?

Gidi
Ki hiéu 4, B lan luot Ia tap hop cac hoe sinh cua lép 10D
choi bong da, choi cau léng.
Theo gia thiét, n(4) =22, n(B) = 25. n(4 ~ B) = 15.

AuB
Hinh 3
Nhin thay rang, néu tinh téng n(4) + n(B) thi ta dirge s6 hoe sinh 16p 10D choi bong

da hodc cau long, nhung so6 ban chot ¢a hat mon drge tinh hai lan. Do do, so ban choi
it nhat mot trong hai mén la:

n(4w B)=n(d)+n(B)-ndnB)=22+25-15=32.
Viy 16p 10D ¢6 32 hoce sinh choi it nhat mét trong hai mon thé thao bong da va cau long.
Nhdn xét:
« Néu.4 va B la hai tap hop hitu han thi n(4 w B) = n(4) + n(B) — n(d  B).
» Pic biét, neuA va B khong co phan tir chung, titc 4 ~ B = @, thi n(4 w B) =n(4) + n(B).

Ql Xac dinh cac tap hopA4 U B va 4 ~ B, biét:
a)A={a, b,c.d, e}, B= {a, e, i,u},
bA={xeR|x¥+2x-3=0},B={xecR|}x|=1)}).

@é Chod={(x;») |x,ye R Ix—y=9L,B={(x.V|x,ye R, x—y=1}.

Hay xac dinh 4 m B.

Tai vong chung két etia mét tro choi trén truyén hinh. ¢6 100 khan gié tai truong quay
¢6 quyén binh chon cho hai thi sinh 4 va B. Biét rang co 85 khan gia binh chon cho
thi sinh 4, 72 khan gia binhchon cho thi sinh B va 60 khan gia binh chon cho ca hai
thi sinh nay. Co bao nhiéu khén gia da tham gia binh chon? Co bao nhiéu khan gia
khong tham gia binh chon?

2. Hiéu cua hai tap hop, phan bl cla tép con

Q Tré lai bang thong tin vé két qua phong vén tuyén dung & J&).
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a) Xac dinh tap hop E gom nhimg {mg vién dat yéu cau ve chuyén mén nhung khéng
dat yéu cau vé ngoal ngit.
b) Xac dinh tip hop F gom nhimg tmg vién khong dat yéu cau vé chuyén mén.

- .Cho hai tap hop 4 va B.
Tap hop cac phan tir thuée 4 nlumg khong
thuoe B got la hiéu cia A va B, ki hiéu 4\B.
A\B={x|xedvaxgB}.

Néu A la tap con cua U thi hidu U\ 4 goi 1a
phdn bit ciia A trong U, ki higu €, A. Tk

Vidu 3
CholU={xe N|x<10},4=1{0;2:4.6.8}.B={0:3;6,9}.
Xac dinh cac tap hop 4\B, B\4, C 4. C,B.
Giai
Taco. A\B=1{2,4,8},B\d={3,9},C,4={1,3,5,7,9},C,B={1,2, 4,5, 7, 8}.

% ChocactiphopU={xe N |x<8},4={0;1;2,3,4},B=(3.4, 5},

' Xac dinh cac tap hop sau day:
a) A\B, B\A va (4\B)~(B\A4), b) C,(AnB)va(C A) v (C, B),
¢) C,(4uB)va(C,A4)n(C,B).

Cha y: Trong cac chuong sau, dé tim cac tap hop la hop, grao, hugu, phén bit ctia nhimg
tap con cua tap so thue, ta thuong vé so do trén true so.

Vidu 4

Xac dinh cac tap hop sau day:

a)4=[-2; ) (0;3]; b) B=(—0; 1] U (-2;2); ¢) C=(14]1n(3:2),
HD=3.2)\(1; 45, &) E=C,(-;2).

Gidi

a) Dé xac dinh tip hop 4. ta vé so d6 sau day:

. -2 1
| 0
3
m«q; 4 —rmw

Tir so do, ta thay 4 =[-2; 3].

1
Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”
Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé tryc tiép qua SPT:0834 332 133
Page 31



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

b) Bé xac dinh tap hop B, ta vé so do sau day:

- s

-
-

Tir so do, ta tlléy B =(—=»; 2).
¢) Pé xéac dinh tip hop C, ta vé so do sau day:

b W

-3

; =4 ;
Tir so do, ta thay C = (1. 2).

d) Bé xac dinh tap hop D, ta vé so do sau day:
T

-3

- L
-3

Tirso do, ta thay D= (-3; 1].
e) Bé xac dinh tip hop E, ta vé so d6 sau diy:

W
mmmmm-{.g—b
. ; 2
Tirso do, ta thay E = [2; +=0).

@ Xac dinh céc tap hop sau diy:
- a)(1;3)v 22, B =) [0n], ¢ [%;3)\(1;%’3); d) Cy[-1; +w).

Dang 1: Giao va hgp cia hai tap hop

1. Phuwong phap
Can nam chic cac dinh nghia
AmB={xIxeAva‘1xeB}; AuBz{xIxeA hoeflcxeB}
2. Cac vi du rén luyén ki nang
Vidu 1: Cho céc tap hop sau A={xeR|(x—2x2)(x2—3x+2)=0} va B={neN|3<n(n+1)<31}.
Tim ANB
Loi gidi

Taco: A={0;1;2} va B={2;3;4;5}. Vay: AnB={2}.
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3. Bai tap tric nghiém

Cau 1:

Cau 2:

Cau 4.

Cau 5.

Cho A={a;b;c} va B={a;c;d;e} . Hay chon khang dinh dung.
A. AnB={a;c}. B. AnB={a;b;c;d;e} .
C. AnB={b}. D. AnB={d;e}.
Loi giai

Chon A
A. Dung vi {a;c} vira thudc tap A, vira thude tap B.

B. HS nham la vira thudc A hoic B.
C. HS nhim 1a thudc A va khong thudc B.
D. HS nham 1a thudc B va khong thudc A.

Cho hai tap hop 4={0;2;3;5} va B={2;7}.Khid6 ANB
A. ANB={25}. B. AnB={2}.
C. ANB=0. D. AnB={0;2;3;5,7} .
Loi giai
Chon B
ANB={2}.
Cho hai tap hop X={1;2;4;7;9} va Y:{—1;0;7;10}. Tap hop X UY c6 bao nhiéu phan
tur?
A. 9. B. 7. C.8. D. 10.
Huwéng din giai
Chon C.
Ta cod XUY:{—1;0;1;2;4;7;9;10} .Dodé X UY c6 8 phan tu.
Cho A={xeN|x<3}, B={0;1;2;3}. Tap AN B bang
A. {1;2;3}. B. {—3;—2;—1;0;1;2;3}.
C. {0;1;2}. D. {0;1;2;3}.
Hudng din giai
Chon D.
A={xeN|x<3}={0; ; 2; 3} = AnB={0; |; 2; 3}.

Cho A, B 14 hai tap hop bt ki. Phan gach soc trong hinh v& bén duéi 1 tap hop nao sau day?
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A. AUB. B. B\4. C. A\B. D. ANB.
Huwéng din giai

Chon D.

Theo biéu d6 Ven thi phan gach soc trong hinh v& 1 tap hop AN B.

Cho 2 tap hop A:{xeR|(2x—x2)(2x2—3x—2):0}, Bz{neN|3<n2 <30}, chon ménh

dé dung?

A. AnB={2}. B. AnB={54}. C.AnB={24}. D.ANnB={3}.
Huwéng dan giai

Chon A.

Xét tap hop A:{xeR|(2x—x2)(2x2—3x—2)=0} ta co: (2x—x2)(2x2—3x—2)=0

x=0
2x—x>=0 1 1
Rt Slx=——=2A4=40;2;——>.
2x*=3x-2=0 2 2
x=2

Xéttap hop B={neN|3<n’ <30} ={23,45}.
Vay ANB={2}.

Cho hai tdp hop A={1;2;a;b}, B={l;x;y} v6i x,y khac a,b,2,1. Két luan nao sau day

dang?

A. ANB=B. B. AnB=0. C. AnB=4. D. AnB={l}.
Loi giai

Chon D

Hai tp hop 4, B ¢6 1 phén tirchungla 1 nén AnB={1}.

Cho hai da thic f(x)va g(x). Xét cac thp hop A={xeR|f(x)=0},
B:{xeR|g(x)=0}, C:{xeR|f2(x)+g2(x):O}. Trong cac ménh dé sau, ménh dé nao
dang?

A. C=A4UB. B. C=4NnB. C.C=A4\B. D. C=B\A.

Loi giai.
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Chon B.
f x) =0

(x)=0 nén C={xeR|f(x)=0,g(x)=0} nén C=A4NB.
g(x)=

Ta c6 fz(x)+g2(x):0<:>{
Cau9: Cho hai tip hop E={xeR|f(x)=0}, F={xeR|g(x)=0}. Tap hop
H:{xeR|f(x)g(x):O}.Trongcécménhdésau,ménhdénéodﬁng?
A. H=ENF. B. H=EUF. C. H=FE\F. D. H=F\E.

Loi giai.

Chon B.
, f(x)=0 .
Taco f(x)g(x)=0< (x)=0 nén H:{xe]R|f(x):ng(x):0} nén H=EUF.
g\x)=
Dang 2: Hi¢u va phin bu ciia hai tip hop
1. Phuwong phap

Can nam chac cac dinh nghia

A\Bz{xlxeAVle&EB}

Néu AcE thi E\A=Cj.
2. Cac vi du rén luyén ki nang
Vidyu 1. Cho 4={2;4;,6;9} va B={1;2;3;4} . Tim4\B
Loi giai
A\B ={6;9}
Vidu2. Cho haitap hop 4={1;2;4;6},B ={1;2;3;4;5,6,7;8} . Tim khi C,4
Loi giai
C,A=B\A={3;5,7;8} .
3. Bai tap tric nghiém

Caul. Cho hai tdp hop 4 ={2; 4; 6; 9}, B ={1; 2; 3; 4}. Tap hop A \ B bang tip hop nao sau

day?

A. {2;4}. B. {1; 3}. C. {6; 9}. D. {6; 9;1; 3}.
Loi giai

Chon C

Taco A\B={6;9}.

Cau 2: Phén t6 d¢am trong hinh v& sau biéu dién tdp hop nao?
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A. B\A. B. A\B. C. AnB. D. AUB.
Loi giai
Chon A
Cau3.  Cho haitdp hop 4={2;4;6;9},B={1;2;3;4}. Tap 4\ B bang tap hop ndo sau day?
A{2;4} . B. {1;3} . C. {6;9} . D. {6;9;1;3}.
Loi gidi
Chon C
Taco: A\B={x|xe4;xeB}={6,9}.
Cau4. Cho A4 la tap hop céac hinh thoi, B 1a tdp hop cac hinh chir nhat va C 1a tap hop cac hinh
vudng. Khi dé
A. B\4=C. B. AUB=C. C. A\B=C. D. AnB=C.
Loi gidi
Chon D
Theo tinh chét caa hinh thoi, hinh chir nhat va hinh vudng, ta c6:
CcAvaCcBnén B\A=C, A\B=C lacac ménh dé sai.

Vi hinh vudng vira 13 hinh thoi va ciing 13 hinh chir nhat nén 4~ B=C la ménh dé dung va
AU B =C 1a ménh dé sai.

Cau 5. Cho hai tap hop M, N,M < N . Ménh dé nao sau day dung?
A.MNN=N. B. M\N=N. C.MnNN=M. D.M\N=M.
Loi giai
Chon C
Theo gia thiét ta co M < N . Ta c6 so @6 Ven

MnN=M
N

Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”
Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé tryc tiép qua SPT:0834 332 133
Page 36



Caubé6.

Cau 7.

Cau 8.

Cau 9:

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Cho hai tap hop: 4 ={0;1;2;3;4} va B={2;4;6;8;10}. Tap A\ B bang

A. {6:8;10} . B. {0;1;3}.

C. {2:4}. D. {0;1;2;3;4;6;8;10} .
Loi giai

Chon B

Tap A\B={0;1;3}.
Cho 4: "Tap hop cac hoc sinl} khdi 10 hoc gioi", B: “Tap hop cac hoc sinh nir hoc gi6i”, C:
“Tap hop cac hoc sinh nam khoi 10 hoc gidi”. Vay tap hop C la:
A.AcCB. B. B\4. C. AnB. D. A\B.
Loi giai
Chon D

Vi tap hop B c6 chira ca cac hoc sinh nit khdi 10 hoc gidi nén tap hop C gdm nhiing phan tir
thudc tap hop 4 ma khong thude tap hop B. Do d6, C=A\B.

Cho cac tap hop 4, B,C duge minh hoa bang biéu d6 Ven nhu hinh v&. Phin t6 mau xam trong

hinh 14 biéu dién cta tap hop nio sau day?

(AN

A. AnBNC. B. (A\C)u(4\B). C.(4UB)\C. D. (4nB)\C.
Loi giai
Chon D

Phan t6 xam trong hinh 1a biéu dién tap hop cac diém vira thuéc 4, B ma khong thude C.
Chinhlatap (4ANB)\C.

Cho 4=1{0;1;2;3;4}, B=1{2;3;4;5;6}. Tinh phép toan (4\B)U(B\ 4).
A. {0;1;5;6}. B. {1;2}. C. {2;3;4}. D. {5;6}.
Loi gii

Chon A
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Caul0: Cho hai da thoc f(x) va g(x). Xét cac tap hop A={xeR|f(x)=0},

B—{ _ _ f(x)_ (A A A A s as

= xeR|g(x)—0},C— xeR| ( )—0 . Trong c4c ménh dé sau, ménh dé nao dung?
g(x

A. C=A4UB. B. C=4NB. C.C=4\B. D. C=B\A.

Loi gidi.

Chon C.
Taco %:0@ 2((;)):3 hay C={xeR| f(x)=0,g(x)#0} nén C=4\B.

Dang 3: Bai toan sir dung biéu dd Ven

1. Phwong phap

e Chuyén bai toan vé& ngdn ngir tap hop

e Sir dung biéu dd ven dé minh hoa céc tip hop

o’Dua vao biéu dd ven ta thiét 1ap dugc déng thirc(hodc phuong trinh hé phwong trinh) tir d6 tim dugc
két qua bai toan

Trong dang toan nay ta ki hiéu n ( X ) 1a s6 phan tir cta tap X .

2. Céc vi du rén luyén Ki nang

Vi du 1: Mdi hoc sinh ctia 16p 10A; déu biét choi da cau hoic cau 16ng, biét ring c6 25 em biét choi da
cau , 30 em biét choi cau 16ng, 15 em biét choi ca hai . Hoi 16p 10A; ¢6 bao nhiéu em chi biét da cau? bao
nhiéu em chi biét danh cau 16ng?Si s6 16p 13 bao nhiéu?
Loi giai
Dua vao biéu dd ven ta suy ra s6 hoc sinh chi biét da cau 1a
25-15=10 25
. . \ 30
SO hoc sinh chi biét danh cau long la 30 — 15 = 15
Do d6 ta ¢ si s6 hoc sinh ctia 16p 10A;11a 10 + 15 + 15 = 40

Vi du 2: Trong 16p 10C c6 45 hoc sinh trong d6 ¢6 25 em thich mén Van, 20 em thich mén Toan, 18 em
thich mén Str, 6 em khong thich mon nao, 5 em thich ca ba mén. Héi s6 em thich chi mot mon trong ba
mon trén.

Loi giai
Goi a,b, ¢ theo thir tw 13 s6 hoc sinh chi thich mén Vin, Str, Toan;
z 14 s6 hoc sinh chi thich hai mén 13 vin va toan
y la s6 hoc sinh chi thich hai mén 1a St va toan
2 1a sb hoc sinh chi thich hai mén 13 van va Sir

Ta ¢6 s em thich it nhat moét mon 1a 45 — 6 = 39
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Sua vao biéu do ven ta c6 hé phuong trinh

a+zr+2+5=25 (1
b+y+z+5=18 2
c+z4y+5=20 (3)

t+y+z+a+b+c+5=39 (4 25(V) |
Cong vé véi vé (1), (2), (3) ta cb v,

a+b+c+2(z+y+2z)+15=063 (5

)
)

20(T)

18(S)

Tur (4) va (5) ta ¢6
a+b+c+2(39—5—a—b—c)+15:63

Sa+b+c=20
Vay chi ¢6 20 em thich chi mdt mon trong ba mén trén.
3. Bai tap tric nghiém

Cau 1: Lop 10A ¢6 51 ban hoc sinh trong d6 c6 31 ban hoc tiéng Anh va 27 ban hoc tiéng Nhat. Lop
10A c¢6 bao nhiéu ban hoc ca tiéng Anh va tiéng Nhat?

A. 7. B. 9. C.5. D. 12.
Loi giai

Chgn A

S6 hoc sinh hoc ca tiéng Anh va tiéng Nhat caa 16p 10A 13 31+27-51=7 ban.

Cau 2. L&p 10A c6 45 hoc sinh, trong do6 c6 15 hoc sinh dugc xép loai hoc luc gioi, 20 hoc sinh dugc
xép loai hanh kiém tét, 10 em vira duoc Xép loai hoc luc gidi , vira c6 hanh kiém tbt. Hoi co
bao nhiéu hoc sinh Xép loai hoc luc gioi hodc xép loai hanh kiém t6t?

A. 10. B. 35. C. 25. D. 45.
Loi giai
Chon C
Goi A la tap hop hoc sinh duogc xép loai hoc lyc gioi .
Goi B 1a tap hop hoc sinh dugc Xép loai hanh kiém tt .
Khi d6 A B 1a tap hop hoc sinh vira dugc xép loai hoc luc gioi , vira ¢6 hanh kiém tot .
A B la tap hop hoc sinh Xép loai hoc luc gioi hodc xép loai hanh kiém t6t .
Tacod n(AuB) = n(A)+n(B)—n(AmB) =15+20-10=25.
Cau 3. Trong sb %0 h(;)c sinh cua 16p 10A c6 15 ban dugc xép loai hoc luc gioi, 257ban,ducyc Xép
loai hanh kiém tot, trong d6 c6 10 ban vira dugc hoc sinh gidi vira dugc hanh kiém tot. Khi do,

16p 10A c6 bao nhiéu ban dugc khen thudng, biét ring mudn duoc khen thuong ban dé phai c6
hoc luc gioi hay hanh kiém tét.

A.20 . B.30. C.35. D.25.
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Cau 4:
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Loi giai
Chon B
Dé c6 su khong théng nhét trong dién dat nén toi stra dé bai toan lai thanh:

Trong s6 50 hoc sinh cua 16p 10A ¢6 15 ban duoc Xép loai hoc luc gidi, 25 ban dugc Xép loai
hanh kiém tdt, trong d6 c6 10 ban vira dugc Xép loai hoc luc gioi vira dugc xép loai hanh kiém
tot. Khi do, 16p 10A c6 bao nhiéu ban dugc khen thuong, biét réng mubn duogc khen thudng ban
d6 phai ¢ hoc lyc gi6i hodc hanh kiém tt.

Tir gia thiét bai toan, ta co:
S& céac hoc sinh chi ¢ hoc luc gioi la: 15-10=5.
S4 céac hoc sinh chi duge Xép loai hanh kiém tét 1a: 25-10=15.
Téng s6 hoc sinh c6 hoc luc gi6i hodc hanh kiém t6t 1a 10+5+15=30.
Vay c6 30 hoc sinh dugc khen thudng.
Lo6p 108, ¢6 7 hoc sinh gidi Toan, 5 hoc sinh gidi Ly, 6 hoc sinh gidi Hoa, 3 hoc sinh gioi ca

Toan va Ly, 4 hoc sinh gioi cad Toan va Hoa, 2 hoc sinh gidi ca Ly va Hoéa, 1 hoc sinh gioi ca
3 moén Toén, Ly, Hoa. S6 hoc sinh gioi it nhéat moét moén cua 16p 108, la:

A. 9. B. 10. C. 18. D. 28.
Loi giai.
Chon B.
Ta dung biéu d6 Ven dé giai:

Giéi Todn + Ly Ly

Toan

Giéi Ly + Héa

Giéi Toan + Hoa

Hoa

Nhin vao biéu d0, s6 hoc sinh gio6i it nhat 1 trong 3 moén la: 1+2+1+3+1+1+1=10

Dang 4: Tim giao va hop cac khoang, nira khoang, doan

1. Phwong phap

e Détim A N B talam nhu sau

- Sép xép theo thir tw ting dan cac diém dau mut cua cac tip hop A, B 1én truc sb

- Biéu dién cac tip A, B trén truc sb (phan nao khong thudc cac tap do thi gach bo)
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- Phan khong bi gach bo chinh 1a giao cua hai tap hop A, B

e Détim A U B talam nhu sau
- Sép xép theo thir tw ting dan cac diém dau mut cua cac tip hop A, B 1én truc sb

- T6 dam céc tap A, B trén truc )

- Phan t6 ¢4m chinh 14 hop cua hai tip hop A, B

2. Céc vi du rén luyén Ki nang

Vidu 1: Cho haitdp hop A=(-7; 3), B=(—4; 5).Tim AnB, AUB
Loi giai

Taco: ANB=(-4;3), AuB=(-7;5)

. X 4
Vidu2: Chosothuc a<0.Tim a dé (—00;9a)m(—;+ooj¢@
a

Hudng dan giai

4 4 a>—
(—oo;9a)m(—;+ooj¢®<:>9a>—<:> 3
a a 2
——<a<0
3

Vi a <0 nén gia tri cia @ can tim [a —§<a<0.
3. Bai tap tric nghiém
Caul. Tép (-o;-3)N[-5;2) bang
A. [-5-3). B. (—0;-5]. C. (—o;-2). D. (-3;-2).
Hwéng din giai
Chon A.
Ta ¢6 (—o0;-3)N[-52) =[-5;-3).
Cau2. Hinh v& sau day 13 biéu dién cta tdp hop nao?

e

-2 5
A. (—0-2)U[5;+0). B. (—o0;2)U(5;+00).
C. (—o0; 2] U (5;+00). D. (—o0;—2]U[5;+40).

Huwéng din giai
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Cau 3.

Cau 4.

Cau 6.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Chon A.

Két qua ciia [41)U(-2;3] 1a

A. (-21) B. [4:3] C. (42] D. (1;3]
Huwéng dan giai

Chon B.

—4<x<1
Céch 1: Goi xe [41)U(-23],taco: | . <>-4<x<3 = ChonB.
-2<x<3

Céch 2: Biéu dién hai tap hop [—4;1) va (—2; 3] trén truc s6 roi tim hop cua hai tap hop, Chon B.
Cho hai tap hop 4=[-2;3] va B=(1;+0). Tim ANB.

A. ANB=[-2;+0). B. AnB=(1;3]. C. AnB=[13]. D. AnB=(1;3).

Hwéng din giai

Chon B.

Biéu dién hai tap hop 4 va B ta duoc:

Vay AnB=(1;3].

Cho cac tp hop M =[-3;6] va N =(-o0;—2)U(3;+0).Khiddo M NN la
A. (—0;=2)U[3;6]. B. (—o0;—2)U[3; +0).

C. [-3-2)u(3;6]. D. (-3;-2)U(3;6).

Huéng dan giai

Chon C.
[/ [ /e NS S /)y MUY
777771 77777 77X VA X
Biéu dién truc sd: =3 —2 3 6

M =[-3;6] va N =(-00;-2)U(3;+0).
Khi d6: M NN =[-3;-2)U(3;6].
Cho A4 =(-;2], B=[2;4»), C=(0;3). Chon phat biéu sai.

A. ANC=(0;2]. B. BUC =(0;+x0).
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Cau 7.

Cau 8.

Cau 10.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

C. AUB=R\{2}. D. BnC=[23).
Hwéng din giai

Chon C.

Taco: AUB=R.

Cho A =(-o;-2], B=[3;+x), C=(0;4).Khido tap (4UB)NC la

A. (—o0;=2]U(3;+0). B. (—o0;—2) U[3;+40).

C.[3:4). D. [3;4].
Huwéng din giai

Chon C.

Tacd AU B=(—0;-2]U[3;+%). Suyra (4UB)NC=[3;4).

Cho A:(—oo;S], B:(O;+oo). TimANB.

A. AnB=[0;5). B. AnB=(0;5).

C. AnB=(0;5]. D. AN B =(—o0;+m).
Huwéng dan giai

Chon C.

AnB =(0;5].

Cho 4=(1;9), B=[3;+x), cAu ndo sau day ding?

A. ANB=[l;+®).  B. AnB=(%+x). C. AnB=(13). D. AnB=[3;9).
Huéng din giai

Chon D.

ANB =(19)N[3;+0) =[3;9).

Cho ba tap hop: X=(—4;3), Y={xeR:2x+4>0,x<5}, Z:{xeR:(x+3)(x—4)=0}.

Chon cau dtng nhit:

A. XcCY. B.ZcX. C.ZcXuvY. D.ZcY.
Huwéng dan giai

Chon C.

Ta co:
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0 Y={xeR:2x+4>0,x<5}=(-25); Z={-3;4}.

J

3eX )
:X¢Y:>Asa1.

de”z )
=7 X =B sai.
4e X

-3eZ )
[ =/ZczY =Dsai.
-3¢Y

1 XY =(—45)=>{-34} c(—45). Vay Zc X uY
Vay C dung.
Cau 11.  Tép hop ndo dudi ddy 1a giao ctia hai thp hop 4={xeR:-1<x<3}, B={xeR:|x|<2}?
A. (-12). B. [0;2). C. (-2;3). D. [-12).
Hwéng din giai
Chon D.
Ta viét lai hai tap hop nhu sau: 4= {x eR:-1<x< 3} = [—1;3).
B:{xeR:|x|<2}:(—2;2).
Suyra: ANB = [—1;2) .
Céu12. Cho A=[l;+x), B={xeR|x*+1=0}, C=(0;4). Tép (4UB)NC c6 bao nhiéu phén ti la
sd nguyén.
A. 3. B. 1. C. 0. D. 2.
Loi giai
Chon A.
Tacod: (AUB)NC=[L;4) c6 3 phan tir 1 s6 nguyén.
Cau 13.  Cho hai tdp hop 4=(-3;3) va B=(0;+).Tim AUB.
A. AUB=(-3;+x). B. AUB=[-3;+»).
C. AUB=[-3;0). D. AUB=(0;3).
Huwéng din giai
Chon A.

Thuyc hién phép hop trén hai tap hop 4 va B ta dugc: AUB = (—3;+ oo) .
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Cau 14.

Cau 15.

Cau 16.

Cau 17.
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Két qua cua phép toan (—o0;1)N[-1;2) 1a
A. (2). B. (—0;2). C. [-L1). D. (-L1).
Huwéng dan giai
Chon C.
Ta co (—oo;1)N[-1;2)=[-1;1).
Cho A=(2;+0), B=(m;+o0). Diéu kién cin va du clia m sao cho B latip concia 4 la

A. m<2. B.m=2. C.m>2. D.m>2.
Hudéng din giai

Chon D.

Tacdé: Bc 4 khivachikhi VxeB=xecd=>m=>2.

Cho A=(-oo;m+1]; B=(-1;+»). Pidukiéndé (4UB)=R la

A. m>—1. B. m>-2. C.m=0. D. m>-2.
Hudéng din giai

Chon B.

Taco: (AUB)=R & -1<m+lom>-2.

Cho cac tap hop khac rong {m —1;’”T+3} va B =(—00;—3)U[3;+). Tap hop cac gia tri thuc
ciam d¢ ANB=J 1a
A. (—o0;-2)U[3;+00). B. (-2;3).
C. (-0;-2)U[3;5). D. (—o0;-9)U(4;+0).
Huwéng din giai

Chon C.

Pé ANB# @ thididukiénla {{m-1<-3 < {m<—2.

Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”

Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé tryc tiép qua SPT:0834 332 133
Page 45



Cau 18.

Cau 19.

Cau 20.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Vay me(—0-2)U[3;5).

Cho hai tap hop A=[1;3] va B=[m;m+1].Tim tat ca gia tri ciia tham s m dé Bc 4.

A.m=1. B.l<m<?2. C.1<m<2. D.m=2.
Huéng din giai

Chon C.

Vay 1<m<2.

m+1<3

m=>1 m=>1
Tacdé: Bc A< =
m<?2

Cho m 1a mot tham so thuc va hai tdp hop A=[1-2m;m+3], B={xeR|x>8-5m}. Tat ca

cacgiatri m @ ANB=0 1a

A.mzé. B.m<—g. C.méé. D. —sz<§.
6 3 6 3 6
Huwéng din giai
Chon D.
Tacd A=[1-2m;m+3], B=[8-5m;+x).
Pl
m+3<8—5m 6m<5 " 6
ANB=0 < < & ——<m<=
1-2m<m+3 3m>-2 2 3
mZ—E

Cho hai tap A=[0:5]; B=(2a:3a+1], véi a>-1. Tim tt ci céc gid trj cla a dé
ANB=#Q.

5 5
<3 “=7 15 1 s
A 2 . B 2 C.——<a<-—. D. ——<a<—.
1 1 3 2 3 2
az—— a<-—-—
3
Huwéng din giai
Chon C.
a>-1
2a <3a+1 1 a2t
a>—— 3 1 5
ANBxd < {|3a+120 < 3 5<:>—§£a<5.
2a<5 5 -l<a<—
a<§ 2
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LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Dang 5: Xac dinh hiéu va phin bu cac khoang, doan, nira khoing

1. Phuwong phap

e Détim A\ B talam nhu sau

- Sép xép theo thir tw ting dan cac diém dau mut cua cac tip hop A, B 1én truc sb

- Biéu dién tap A trén tryc sd(gach bo phan khong thudce tip A ), gach bo phan thudce tip B trén truc sb
- Phan khong bi gach bé chinh 1a A\ B.

2. Céc vi du rén luyén Ki nang

Vidu 1: Cho céc tap hop:

A={zeR|z<3} B={secRl<z<5} C={secR|-2<z<4}
a) Hay viét lai cac tap hop A, B, C dudi ki hi¢u khoang, nira khoang, doan.
b)Tim AUB, ANB, A\ B.
c)Tim(BUC’)\(AﬂC)
Loi giai
a)Taco: A= (—oc;3) B = (1;5] C =|-24].
b) e Biéudiéntréntrucsé ! 3 5
e — >
(

Suy ra AuBz(—oo;5] L3 s

e Biéu dién trén truc so

v

% A S \AVAVAVAVAVAVAN

Suyra ANB = <1;3)
1 3 5

v

e Biéu dién trén truc sd (/77 HVVNANNNN

Suyra A\ B = (—oo;l]

¢) Bang cach biéu dién trén tryc s ta co
ANC=[-23) va BUC =[-25]

Suy ra ta co (BUC)\(AOC’) = [3;5]

Nhin xét: Viéc biéu dién trén truc sb dé tim cac phép toan tap hop ta lam trén gidy nhap va trinh bay két

qua vao.
Vi du 2: Xac dinh cac tap s6 sau va biéu dién trén truc sb:
a) (—42]n[0;4) b) (0;3) U [1;4]
o) [-43]\[-21] d) R\ [1;3]

Loi giai
a) Ta co (—4;2]N[0;4) = [0;2] 02
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LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Biéu dién tap do trén truc so la

b)Taco (0;3)U|[1;4] = (0;4] 0 4
Bidu din tap d6 trén truc sb 12 1770 Wili1] > 4 2 1 3
O Taco |~43]\[-21] = [-4-2)u(1:3] TR il

Biéu dién tap d6 trén truc sb 1a
d) Taco R\[1;3]=(—o0;1) U (3;+e0)

1 3
Biéu dién tap d6 trén truc sb 1a S >
Vidu 3: Cho cactap hop A = (—oo,)[m) V]é. B = [3m —1;3m + 3|. Tim m dé
a) ANB = o b) B A
) AcC C,B d) C,ANB = &
m

Loi giai R
Ta c6 biéu dién trén truc sb cac tip A va B trén hinh v& WITTTTTT -
a)Taco ANB =90 3m—-1 3m+3
<:>m§3m—1<:>m2% I il g

Vay m 2%12‘1 gi4 tri can tim.
b)TacéBCA@3m+3<m(:)m<—g
A 3o

Vay m<—5 la gia tri can tim.

c) Taco CRB:(—OO;Sm—l)U(?)m—i-S;—I-oo)

Suyra ACC,Be& m<3m—-1&m>

N | —

Vay m > % la gia tri can tim.

3
d) Taco C A = [m;—i—oo) suyra CphLANBz20 o m<3m+3om2——
A O SN
Vay m > —3 la gia tri can tim.

3. Bai tap tric nghiém

Ciul. Chotaphop A= —3;5). Tap hop C,4 bing
A. (—oo;—\@]u(ﬁyroo). B. (—oo;—\/g)u(\/g;+oo).
C. (—OO;—\/g]U[\/g;+OO). D. (—OO;—\/g)U[\/g;+OO).
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LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Huéng dan giai
Chon D.

Taco Cud =R\ A=(—c;—3) L[ V5;+0).
Cau2. Phanbucia [-21) trong R la
A. (—oo1]. B. (—0;—2)U[L;+0). C. (—0;-2). D. (2;+).
Hwéng din giai
Chon B.
CyB=R\B =(-0;-2)U[1;40).
Cau 3.  Tap hop ndo sau day chi gdbm céc sb vo ty?
A. Q\N". B. R\Q. C.Q\Z. D. R\{0}.
Huwéng din giai
Chon B.

Tap hop chi gdom cac s vo ty 1a R\ Q.

Caud. Cho céc tip hop A={xeR[x<3}, B={xeR|1<x<5}, C={xeR|-2<x<4}. Khi do
(BUC)\(ANC) bing
A. [-2;3). B. [3;5]. C. (—o31]. D. [-2;5].
Huwéng dan giai
Chon B.
A=(—;3), B=(1;5], C=[-2:4].
(BUC)\(ANC)={(1:5]u[-24])\{(—:3) N [-2:4]} =[-2:5]\[-2:3) =[3:5].
Cau5. Cho A=(-;1]; B=[L;+»); C=(0;1]. Cau nao sau day sai?
A. (AUB)\C=(—o0;0]U(L;+). B. AnBNC={-1}.
C. AUBUC =(—o0;+0). D. (ANB)\C=0.
Huéng din giai
Chon B.

Taco ANB={1} > AnBNC={1}.
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Cau 6.

Cau 7.

Cau 8.

Cau 9.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.

Cho A=[-1;3]; B=(2;5). Tim ménh dé sai.

A. B\4=[3;5). B. AnB=(2;3].

C. A\B=[-1;2]. D. AUB=[-1;5].
Loi gidi

Chon D.

Ménh dé ding: AU B=[-15).

WEB: TOANTHAYCU.COM

Chocictap A={xeR|x2-1}, B={xeR|x<3}.Tap R\(4NB) la:

A. (=05 —=1)U[3;+0). B. (-1;3].
C. [—1;3). D. (—oo;—l]u(3;+oo).
Loi giai

Chon A.

Tacod: A=[-1;4®) ; B=(—0;3).Khi d6 ANB=[-1;3) = R\(ANB)=(-o0;—1)U[3;4).

NG

Cho hai tap hop A:(\/E;+oo) va B:(—w;T}.Khi d6 (ANB)U(B\4) la

A. {ﬁ,ﬁ} B. (\/§;+oo). C. [—oo;ﬁ}. D. [—oo;ﬁ}
2 2

Huwéng dan giai
Chon D.

J5

Taco ANB=J, B\A=(— ’TJ .
\/EJ

Do do (AmB)u(B\A):[_oo;7

Cho A=(-1;3) va B=[0;5]. Khid6 (4nB)uU(4\B) la

A. (-13). B. [-1,3]. C. (-1;3)\{o}. D. (-13].

Huéng din giai

Chon A.
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Cl: Tacé: ANB=[0;3) va A\B=(-1;0). Do do:
(ANB)U(A\B)=[0;3)U(-1;0)=(-1;3).

C2: Tacéd: (ANB)U(A\B)=4 nén (ANB)U(4\B)=(-13).

Xéc dinh phan bu cua tap hop (—o0;—2) trong (—o0;4).

A. (-2:4). B. (-2;4]. C.[-2;4). D. [-2;4].
Hudéng din giai

Chon C.

Ta co: C(fw;4)(—oo;—2):(—00;4)\(—00;—2)=[—2;4).

Xéc dinh phan bu ctia tap hop (—o0;—10)U(10;+00) {0} trong R.
A. [-10; 10). B. [-10; 10]\{0}.
C. [-10; 0)L[0; 10). D. [-10; 0)uU(0; 10).
Huwéng din giai
Chon B.
R\ (—00;—10) U(10;+e0) {0} =[-10; 10]\{0}.
Cho hai tap hop X, ¥ théa man X \Y ={7;15} va X Y =(-1;2). X4c dinh s6 phén tir la s6

nguyén cua X .

A. 2. B. 5. C.3. D. 4.
Hudéng din giai

Chon D.

Do X\Y={7:15} ={7:15} c X . 5

2 V2
Ma XmY:(_l,z):(_l,z)cX A %%%%%%(—’

Suyra X =(-1;2)U{7;15}. B
R

Vay sb phan tir nguyén cua tap X 13 4.

Cho A=(-;2] va B=(0;+). Tim 4\B.
A. A\ B=(—0;0]. B. A\B=(2;+»).
C. A\B=(0;2]. D. A\B=(—;0).

Huwéng din giai
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Chon A.

Biéu dién hai tap hop 4 va B 1én truc s6 ta c6 két qua A\ B =(-o;0].

Cho hai tap hop A= {x eR|[-3<x< 2} , B= (—1; 3) . Chon khang dinh dtng trong cc khing

dinh sau:

A. AnB=(-1; 2]. B. 4\B=(-3;-1).

C. CyxB =(—00;—1)U[3;+0). D. AUB={-2-1;0;1;2}.
Huwéng din giai

Chon A.

A={xeR|-3<x<2}=(-3; 2] =(-3 2]n (-1 3)=(-1L 2].

Cho 4=[a;a+1).Lya chon phuong 4n dung.

A. CpA=(—o;a]Ula+1+w). B. Cpd=(—0;a)Ufa+1;+0).

C. CeA=(-w;a)u(a+1;+0). D. CoAd=(-0;a)U(a+1+w0).
Hudéng din giai

Chon B.

Tacé Cyd=R\A=(-o0;a)U[a+1;+0).

Cho céc tap hop khic rdng 4 =(—o0;m) va B=[2m~2;2m+2]. Tim meR dé CxANB=D.

A m>2. B. m<-2. C.m>-2. D. m<2.

Huwéng dan giai

Chon C.

Ta c6: Cpd=[m;+0).

Pé CuANB#D & 2m+2>2m e m>-2.

Cho A={xeRme—3|=mx—3}, B:{xeR‘x2—4=O}.Tim m dé B\A=B.

3 3 3

A, ——<m< B.m<§. C.——<m<—. D.m>——.
2 2 2 2

N | W
SR NO)

Chon C

Tacd: xe A= mx—-320.
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LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

[x=2
xeBe .
x=-2
 m=0
m>0 _m:O
3 3
Tacd): B\A=B< BNnA=0 < ;>2c> O<m<§ @—%<m<%.
m<0 ——<m<0
i<—2 -
| m

1
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LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

BAI TAP CUOI CHUONG I

A. TRAC NGHIEM

Cau 1.

Cau 2.

Cau 3.

Cau 5.

Dung ki hiéu khoang, doan dé viét lai tap hop sau: B = {x € R‘—% <x< 3} .

A. B= —1;3) B. Bz(—l;3 . C. B= —1;3 . D. Bz(—l;3j.
2 2 2 2

Loi giai

Chon B
Cho tap hop 4=1{2;5;6;7;8} va B={1;2;3;4;5;6;7}. Tap A\B c6 bao nhiéu phan tir?
A. 8. B. 1. C.0. D. 12.
Loi gidi
Chon B
A\B={8)

Vay tap A\ B c6 1 phan tir.
Cho hai tap hop 4={xeZ|-1<x<3};B={xeN|x<4}.Tim 4\B.

A. A\B ={-1;0;1;2;3;4;6;8} .. B. A\B=[-1;0).

C. A\B=(-1;0). D. A\B={-1}.
Loi gidi

Chon D

A={-1;0;1;2;3},B ={0;1;2;3;4}

= A\B={-1)

Viét tap hop A = {x eN

(2x+ 1)(x2 —5x+ 6) = 0} bang cach liét ké phan ti.

A. A={_71;2;3}. B. A={23), C.oA={-L2).  D.A={-123).
Loi gii
Chon B
-1
_ Ty
Ta co: (2x+1>(x2—5x+6)20<:> 2§+1_0 Slx=2
x°—=5x+6=0 =3

R =2
Do xeN nén X

Cho tap hop A4 =[-3;5].Viét lai tap hop A bang cach chi ra tinh chét dic trung.
A.A:{xeR|—3SxS5}. B.A:{er|—3Sx£5}.
C.A:{xeN|—3SxS5}. D.A:{xeR|—3<x<5}.
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Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Loi giai
Chon A
Ly thuyét vé tdp con cua cac tap hop sb.
Lap ménh d& phu dinh ciia ménh dé:"Vn e N;2" > n+1".

A."IneN;2" <n+1". B. "VneN;2" <n+1".

C."3neN;2"<n+1". D. "VneN;2" <n+1".
Loi giai

Chon A

Ly thuyét vé ménh dé phu dinh cau ménh dé va cach su dung cac ky hi¢u V;3.
Trong céac phat biéu sau, c6 bao nhiéu phat biéu 1a ménh dé?

1/ Hai Phong 1a mot thanh phd cua Viét Nam.

2/ Ban c6 di xem phim khong?

3/ 2'° —1chia hét cho 11.

4/ 276313 hop sd.

5/ x*-3x+2=0.

A. 3. B. 1. C. 2. D. 4.
Loi giai

Chon A

Phat biéu 2/ khong phai 13 ménh d¢, vi phat biéu nay khong phai 13 mot khing dinh.
Phat biéu 5/ khong phai 1a ménh d¢, vi day 1a ménh dé chtra bién.
Cho tap hop X ={0;1;2;3} va ¥ ={-1;0;1;2;3;5}.Tim C,X.
A. C,X ={-1;5}. B. C,.X ={0;1;2;3}.
C.C,X=0. D. C,X ={-1;0;1;2;3;5}.
Loi giai
Chon A
Taco C,X =Y\ X ={-1,5}.
Cho tap hop 4 = (—0;5], B =[5;+). Tim 4UB.
A. AUB=(-x;5).  B. AUB={5}. C. AUB=[5+») D. AUB=R
Loi gii
Chon D
Taco: AU B =(-0;5]U[5;+0)=R.
Cho tap A={1;2;3;4}.Tim cac tap con clia A.
A. 10. B. 12. C. 16. D. 8.
Loi giai.
Chon C

S tap con cta A 1a
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

{o}; 4 {1}:{2}; {3} {4} {52} {13} {1, 4};{2;3}:{2;4};{3;4}:{1;2;3};{1;2;4};{2; 3;4};{1;3;4} .
Vay A ¢6 16 tap con.
Trong cac tap hop dudi dy, tap hop nio 1a tap hop rong?

A.N:{meZ|2£m£15}. B.M={xeR|x2+4:5}.

C. P={neN|[3n+9=6}. D. 0={xeN|]x/<1}.
Loi giai

Chon C

Xét P={neN|3n+9=6}.Taco: 3n+9=6<n=-1¢N nén P 1a tap rong.

Cho tap A={xeN|(x2—3x+2)(x+3):0} va B={0;1;2;3;4;5}. C6 bao nhiéu tip X théa
man AUX =B ?
A. 4. B. 6. C.8. D. 1.
Loi giai
Chon A

,suyra A={1;2} vi -3¢ N.
Y=

2 3y42-= —lx=2
Tacé(x2—3x+2)(x+3):0<:>[x X2 O@{x o

x+3=0
bé AU X =B thi X:B,X:B\{l},X:B\{2},X=B\{l;2}.

Viy co tit ca 4 tap X thoa man yéu cau bai toan.
Trong mit phang, cho A 1a tap hop cac tam gidc déu, B 1a tdp hop cac tam giac vudng, C 1a
tap hop cac tam giac can. Chon khang dinh dung.
A. Cc A. B. AcB. C. BcC. D. AcC.
Loi giai
Chon D
Vi tam giac déu duoc xem 1a mot tam gidc can nén tap hop cac tam giac déu 1a tip con cua tam
giaccan hay A C'.
Tim ménh dé dung.
A. Diéu kién cn va du dé mot sb tu nhién chia hét cho 15 1a s6 d6 chia hét cho 5.
B. Diéu kién can dé a+b lamot sd hiru ti 1a a va b déu la s hitu ti.
C. Diéu kién du dé c6 it nhat mot trong hai s6 a, b 1asd duongla a+b>0.
D. Piéu kién can va da ¢é mot tir gidc 1a hinh chir nhat 13 n6 c6 hai dudng chéo bang nhau.

Loi giai

Chon C

e A sai; Vi 10°5 ma 10/15.
2

e B sai; Vi —\/§+\/§e(@,mz‘1 \/_'é@.
V2 £Q
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Cau 15.

Cau 16.

Cau 17.
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e D sai; Vi gia st t gidc ABCD c6 hai duong chéo bang nhau AC = BD =5, nhung ABCD
khong 1a hinh chir nhat.

D
e Xét C. Néu a+b >0 thi co it nhat mot trong hai sé a, b 1a sé duong. That vay;
Gia sir ca hai sb @, b déu khong duong (Va<0,6<0 ), suyra a+b <0 (trai gia thiét).

e Vay C dung.
Cho tap A=[m+1m+2] va tp B=[0;1]. Tim tat ca cac gia tri thuc cua tham so6 m dé
C,ANB=0.
A.m=>0. B. m=-1. C.0<m<1. D. m<-1.
Loi giai
Chon B

o (A= (—oo,'m+1)u(m+2;+oo).

eYcbt & Timm: m+1<0<1<m+2.

m<—1
= Sm=-1.
{mZ—l

e Vay m=-1.

Chotdp A={xeR||x-1|]<2} va B={xeR|x-1<0}.Tim 4NB.

A. AnB=[-1;3]. B. AnB=[-1,1). C.AnB=(-»;1). D.ANnB=(-12).
Loi giai

Chon B

e Vi|x-1|<2& -2<x-1<2&-1<x<3 nén 4=[-1,3].

*Vix-1<0<x<1nén B=(—ox1).

eViy AnB=[-11).

Lop 10A ¢6 45 hoc sinh. Trong dé ¢6 12 hoc sinh ¢6 hoc lyc gi6i,30 hoc sinh c6 hanh kiém
tot, trong d6 c6 10 hoc sinh vira lyc gioi vira hanh kiém tot. Hoc sinh dugc khen thudng néu
duoc hoc luc gidi hodc hanh kiém tot. Tim so hoc sinh khong duoc khen thudng.
A. 13. B. 35. C. 23. D. 32.

Loi giai
Chon A

Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”

Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé tryc tiép qua SPT:0834 332 133
Page 57



Cau 18.

Cau 19.

Cau 20.
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Goi 4 =“Hoc sinh chi xép hoc luc gi6i1”, B =“Hoc sinh chi c6 hanh kiém t6t 7.
Khi d6: A w B =“Hoc sinh Xép chi hoc luc gioi hoac chi ¢6 hanh kiém t6t”.
AN B =% Hoc sinh vira hoc lyc gidi vira hanh kiém t6t”: C6 10 hoc sinh.

S6 phan tr cia AU B 1a: 12+30-10=32.

S6 hoc sinh duoc khen thuong 1a 32.

Viy sb hoc sinh khong duogc khen thudng 1a: 45—-32=13.

Tim ménh de sai.

A. Vn eN; n(n+1)(n+2)chia hét cho 6. B. Vn e N;n* +1 khong chia hét cho 4.
C. IneN; n®> +1 chia hét cho 3. D. 3xe R; x* 0.

Loi gii
Chon C

- Xét dap an A : VneN; n(n+1)(n+2) la tich cua ba sd ty nhién lién tiép nén chia hét cho
2 va chia hét cho 3 do d6 chia hét cho 6. Vay dap an A dung.

- Xét dap an B: Vn e N;n® +1 khong chia hét cho 4.

Gia st ménh d@é trén sai tire 14 : Ve N;n? +1 chia hét cho 4.

+Néu n chin = n=2k,(k € N)= n® +1=4k*+1 s6 nay khong chia hét cho 4.

+Néu n 16 = n=2k+1,(keN)=n> +1=4k" + 4k +2 = 4(k* + k) + 2 khong chia hét cho 4.

Suy ra Vn € N;n? +1 khong chia hét cho4 ( trai véi gia thiét). Do d6 dap an B dung.

_Xétdap an C: IneN; n® +1 chia hét cho 3.

Vn e N, ta co cac truong hop:

n=3k (keN)=n’>+1=9k" +1 sb nay khong chia hét cho 3.
n=3k+1(keN)=n’+1=(3k+1)" +1=9k* +6k +2 sb nay khong chia hét cho 3.
n=3k+2 (keN)=n®+1=(3k+2)" +1=9k* +12k +5 s6 nay khong chia hét cho 3.

Do d6 Vn e N; n® +1 khong chia hét cho 3. Nén dap an C sai.
- Bép an D dung véi x =0.
Cho hai tap hgp 4= {x € Z|x =15k;k Z} va B= {x € Z|x =5m;me Z} . Khing dinh nao sau

day dang?

A. BC A B. AcB. C. Az B. D. A=B.
Loi giai

Chon B

Taco: Vxe A= x=15%k=5.3k)=5n(véin=3k). Do keZ=3keZ=>n=3keZ.
Suyra xe B= Ac B.
Cho ménh d¢ chira bién P(x):"x’—3x* +2x=0". Tim tt c4 cac phan tir cia x dé¢ P(x) la

mot ménh dé dang ?
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Cau 21.

Cau 24:

Cau 25:
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A x=-1Lx=-2. B. x=-2,x=-3. C.x=0,x=1,x=2. D.x=4,x=-2,x=3.
Loi giai
Chon C.
Taco x’ —3x" +2x =0 x(x’ —3x+2) =0 x(x-1)(x-2)=0
x=0 x=0
Slx-1=0<|x=1.
x=2=0 x=2

Tim ménh de¢ sai.

A. Ac(AUB),véimoitip 4,B. B. A\Bc A4, véimoitap 4,B.

C.(ANnB)c B,véimoitip 4,B. D. (A4UB)c (AN B),véimoitap 4,B.
Loi giai

Chon D.

Theo biéu d6 Ven ta c6:

(A ) B) la phén gach soc bén dudi ANB1a phén gaCh soc bén dudi.

N

AmB

Do d6 (4UB) < (AN B),véimoitip 4,B la ménh dé sai.

Cho tap A:{xeR|ﬁ>%} va B={xeR|1<|x|<2}. Tim (4UB)\(4NB).
x—

A. [-2-1]u[0;1]u[2:4). B. [-2;-1]u(0;1]u(2;4)

C. [-2;-1]u[0;1]u[2;4] D. [-2;-1]u(0;1)U[2;4).
Loi giai

Chon D

+Véi x#2, ta co: >%:>|x—2|<2:>0<x<4,suyra A=(0;4)\{2}.

[x=2]
1<x<L2
—2<x<-1
AU B =[-2-1]U(0:4), AN B =[1;2)

Suy ra: (AU B)\(4NB)=[-2;-1]u(0;1)U[2;4).

+ Ta co: 1s|x|32:{ ,suyra B=[-2;-1]u[1;2] .

Tim ménh de¢ sai.
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A, A\ND =D ,vé6imoitap 4. B. A =A4,véimoitap 4.
C. AN = ,voimoitap A. D. AnA=A4,v6imoitap A.

Loi giai
Chon A
Vi A\& = 4 nén A 1a ménh dé sai

1
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LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
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BAI TAP TU LUAN
Bai 1. Xac dinh céc tip hop sau bang cach néu tinh chét dic trung
A={-4-3-2-10; ;2 3 4}, B={1; 3 5 7,9}, C = {0;1,4,%16;25}
Huwéng din giai
Ta c6 cac tap hop A4, B,C duoc viét dudi dang néu cac tinh chat dic trung 1a

A={zeN||z| <4}, B={z € N |z lasélé¢nho hon 10}, C = {n’ | n la s ty nhién nh6 hon 6}

Bai 2.
a) Trong cac tap sau day, tap nao la tdp con cua tap nao
A= {123} B={n¢eN|n<4}
C = (0;400) D ={z € R[22* -7+ 3 =0}

b) Tim tit ca cac tdp X thoa min bao ham thirc sau;
{12} c X c {12345},

Hudéng din giai
ay AcB, AcC, DcCcC.

b) {1;2}, {1:2:3}, {1;2;4}, {1;2;5}, {1;2;3;4}, {1;2;3;5}, {1:2:4;5}, {1;2;3;4;5}.

Bai 3: Cho tap hop 4 = {:E €R| _ 4 € Z}
3V +6
a) Hiy xac dinh tdp A bang cach liét ké cac phan tur
b) Tim tit ca cac tip con cua tap hop A.
Hudéng din giai

a)Tacéx/EZOsuyra0<L§%
Wz +6 6

MétkhécLEZnénizlhoéc—M =2

3o +6 3z +6 3o +6
Haym:lhoécx:%

9 9

1 64
Vaiy A =1{—;—
ay {99}
b) Tat ca cac tap con ctia tap hop A 14 @, {%}, {%}, {%,%}

Baid:Cho A= {z € R|(a' —16)(a* —1) =0} va B= {2z € N |22 -9 <0}.

Tim tap hop X sao cho
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a) X C B\ A
b) A\ B = XNA véi X cb ding hai phan tir
Hudéng din giai
Taco A={-2-11;2} va B ={0;1;2;3;4}
a)Taco A\ B = {0;3;4}
Suyra X C A\ B thicactap hop X la
@, {0} {3}, {4}, {0:3}, {04}, {314}, {0:3:4}
b)Tacd A\ B ={-2—1} véi X c6 ding hai phan tir khi 46 X = {-2—1}.
Bai 5: Chotap A = {—1; 1; 5;8}, B ="Gom céac ude sd nguyén duong cua 16"

a) Viét tap A dudi dang chi ra tinh chat dic trung cua cac phan ti.
Viét tap B dudi dang liét ké cac phan tur.
b) Xac dinh cac phéptoan AN B, AUB, A\ B.

Huwéng din giai
a)Taco A= {z e R|(z+1)(z—1)(z—5)(z—8)=0}
B={1 2 4 8 16}
b)Taco)ANB ={1;8}, AUB={—-1,1;2 4,5 8 16}, A\ B={—-1,5}
Bai 6: Chocactdphop E={ 2z e N |1 <z < T}
A={zeN|(2*-9)(2*-52-6)=0} va B={z €N |z lasdnguyén t6 nho hon 6}
a) Chimg minhring A C E va BC E
b) Tim C,A ; C,B ;C,(AU B)
¢) Chimg minhrang: £\ (ANB)=(E\ A)u( E\ B)

Hudéng din giai
a)Taco E = {1;2;3;4;5:6} A={3,6} va B={23;5}
Suyra ACFE vaBCEFE
b)Taco C,A=E\ A= {1;24;5}; C,B=E\B={L46}
AUB={2356} = C,(AUB)=E\(AUB)={1;4}
©)Tacoé ANB={3}=C,(ANB)=E\(ANB)={1,24,56}
E\A={1;245};E\B={L46}=(E\A)U( E\ B)= {52456}
Suyra E\(ANB)=(E\A)U( E\ B).
Bai 7: Xac dinh cac tap hop AU B,A\ C,ANBNCva biéu dién trén truc sb cac

tap hop tim duoc biét:
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))A={secR|-1<2<3} . B={rcRlz>1},C=(-ox1)
b)A:{xER‘—ngSZ} ,B:{xER‘xZS},C:(—oo;O)
Hudéng din giai
a)Co A =[-1;3] va B =[L+oo)
AUB =[-L+cc), A\C =[1;3],ANBNC =¢
b)Co A =[-22] va B=[3+00)
AUB:[—Q;Q]U[SH—OO),A\C:[O;Q],AHBHC:(;S
Bai 8: Chotap A =[-1;2), B=(-3; 1) vaC=(1;4].
a) Viét tap A, B, C dudi dang chi ra tinh chat dac trung ctia cac phan tir va bi€u dién ching trén truc so.
b) Xac dinh cac phéptoan AN B, BUC, A\ B.
Hudéng din giai
a)Taco: A = [-12) ={z|-1<2<2},B=(-3%1)={z|-3<z<1}
C=L4={z)l<z <4
b)Taco ANB=[—-11),BUC =(=3;4)\ {1}, A\ B =L 2)

Bai 9: Cho hai tap hop A = [0;4),B = {z € R /|| < 2} Hay xéc dinh cac tap hop
AUB/ANB,A\ B

A=[04),B=[-22], AUB=[-24), ANB =[0;2], A\ B = (2:4)

Bai 10:

a)Cho A={z€R|-1<z2<5} B={zreR|-2<z<0hodicl<z<6}

C={z€eR|xz>2}

Tim AN B,AUC,B\ C vabiéu dién cach lay két qua trén truc sd

b) Cho A = (—00,—2), B =[2m +1,+00). Timmdé AUB = R.

Huwéng din giai
a) ANB=[-10)U(L;5) AUC =[-L+oo) B\C=(-20)U(12)

b)AUB:R@2m+1<—2(:>m<_73

Bai 11: a) Timm dé (Lm|N (2 +00) = @.

z <3
b) Viét tdp A gdm céc phan tir x thoa man diéu kién {z + 1 > 0 dudi dang tap sb.
<0

Huwéng din giai

Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”
Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé tryc tiép qua SPT:0834 332 133
Page 63



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

a)Pé (L m|N (2% +oo)=2 thim>2.

z <3
b) Viét tdp A gdm céc phan tir x thoa man diéu kién {z + 1 > 0 dudi dang tap sb.
z <0
r <3 z <3 z € (—o0; 3|
Co {z+1>0&{x>—14 12 c[—1; 4 oo)(biéu dién trén truc s6)
z <0 z <0 z € (—o0; 0)

&z e (-0 3|N[—1 +00)N(—o0; 0) & z €[ —10).

Vay A =|-1; 0).

Bai 12: Cho tap hop A = [m —1;mT+1 va B = (—00;—2) U[2+00). Tim m dé
a) ACB b)) ANB=9g
Huéng din giai
A 1ca aR A - A . m+1
Diéukiéndétontaitaphop A lam —1 < S m <3 (¥

AC(—oo;—Q) m_—|—1<_2 m < —5H
a) AC B <& < 2
AC[Q;—}—OO) m—1>2 m >3

Két hop voi diéu kién (*) ta co m < —5 1a gia tri can tim

m > —1
S -1<m<3

m < 3

—-2<m-1

<2

Két hop voi diéu kién (*) taco —1 < m < 3 1a gia trj can tim
Bai 13: Cho hai tap khac réng : A = (m — L;4], B = (-2 ;2m + 2), v6i m€R. Xéc dinh m dé :
a) ANB = O ; b) AC B ;
c) BC A, d) (AN B) C (—1; 3).
Hudéng din giai
V6i A= (m—1L4]|, B=(-2;2m + 2)khic tap rong, ta c6 diéu kién

m—1<4 m <5
& —2<m <5 (%).

&
2m +2 > =2 m > —2
Véi diéu kién (*), ta c6 :
AANB=0 & m-1<2m+2< m > —3.Sosanh voi (*) ta thiy cac gia tri m thoa man yéu cau
ANB=gla-2<m<5.
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m—1> -2 m > —1

b)A C B & &
) 2m +2 > 4 m > 1

& m > 1. So sanh (*) ta thiy cac gid tri m thoa man yéu

cluAdcC Blal<m <5 .

m—1< -2 m < —1

BCAs &
©) m+2<4 " Im<1

& m < —1. So sanh v6i (*) ta thdy cac gia tri m thoa méan

yéucﬁu BcCcAla-2<m<-—1.

m—1>—1

d)(ANB —1;

0<m< % (thoa (*)).

1
Gido vién c6 nhu céu s& hitu tron bé file word Bai gidng Todn 9,10,11, 12 c6 I&i gidi chi tiét vui Iong lién hé zalo Trén Binh
Cu: 0834 332 133 dé dworc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhén khdc”
Phu huynh va hoc sinh cé nhu cdu tham gia cdc I6p todn chét Iwong Thady Cw-Xa tdc- TP Hué vui long
Inbox face: Trén Dinh Cw hodic lién hé truec tiép qua SPT:0834 332 133
Page 65



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

BAT PHIUONG TRINE VA

Trong chuomg I, ching ta sé tim higu vé kit phuong trink va hé bdt phatang trinh bicnhdt hai $n, ta sé hoe cich nhign
biét nghiém va bidu dién mién nghiém cia hé bt pheong trinh bac nhit hai én trong mat phing tea 46 va ding dung
whiing kin thiic koe duge vio gidl quyat che bal tedn thuc tién,

T
| reranan

B4l todn thm gid trf o nhit hobe gl tri nhd mhat cia bide thilc £ = ax + by trén mdt midn da glic cb thé glip 16l v
hod sdm ot

wiorig chuong N

- Nhén bidt due bit phuomg trinh va hé bt phuong trinh bac nhét kai dn,

- Bidu difn duoc midn nghidém cda bEt phuong trinh va bé bt phuomg trink bic nht
hai §n trén mit phing toa 4.

-Van dung dugc kién thic v& bat phugng trinh va hé bt phuong trinh bac nhat
hai &n vao gidi gquySt cac bai todn thuc tidn [vi du: bai todn tim gid tri ldn nhat,
gid tri nhd nhat cda bidu thic F= ax + by trén mot mién da gidc, ...},
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Bai 1. Bat phuong trinh bac nhat hai an

kot BSt phuong trinh bc nhat hal Sn; Nghiém; Midn nghiém.

@!ﬂqﬂﬂqtr::+1:ﬁl mit phing toa dé thinh
hai mién (khdng tinh duéng thang d) nhu hinh bén.
Dimg céc nhin dudi &y 43t vio mién phis hop 88 dat tén
cho mién 4.

Cyeel | ysasd |

1. Khdi niém bét phuwong trinh béc nhét hai an

% Ban Nam d& danh durge 700 nghin dﬁng. Trong mot dot ung llﬁ':_{:éc ban hoe sinh & vimg
bi bio lut, Nam d ting hé x tir tign logi 20 pghin dang, v & tién logi 50 nghin déng tir
tien de danh coa minh
a} Bidu dién téng 50 tien ban Nam dd ting ho theo x va y
b) Giai thich tai sao ta lai co bit ding thite 20x + 50y < 700

1 Bt phuromg trink bde nhit hai dn v v 1a bat plarong trinh co mét trong cac dang
ax + by + ¢ € Luxbibyrt- o >0, ax + [ oSl + by + ¢ 20,
trong 6 a, b, ¢ 1 nhitng 56 cho trude. a, b Khidng dong thet bing 0 v x, v 1d cac dn

Vidu 1
Tim bat plurong trinh bae nhiat hai an trong eac bat phuong trinh sau Gy
ax—S5p+2<0; byt + By—T20,

¢F3E=23>0; My + 1150

Crietr
Cac bat phirong trinh a), ¢), d) la cac bat phirong trinh bac nhat hai an
Bt phirong trink 1) khéng La bat phong trinh bic nhat hai an vi c6 chira ¥

%‘ Biit phrong trinh néo sau &y 1a bat plurong trinh bic nhat hai &n?
ayx—3Iv+ 1 <0, Blx—3¢+120
ey—-35>0, dix—y+1>=0
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2. Nghiém cla bét phueng trinh bac nhéat hai @n

ﬂ Truémg hop nao sau diy thod min tinh hudng diroe néu trong ﬁ 9
Truomg hop 12 Nam ting hé 2 & tien logi 20 nghin dong va 316 tién loai 50 nghun dong
Triimg hop 2: Nam tmg hé 1516 tién loa 20 nghin déng vi 10 to tién lom 50 nghin dong
® X6t biat plirong tinh ax + by + ¢ <0

M&i elip 56 (v, v.) thod méin ax, + by, + ¢ < 0 dioe goi la mit nghigm cia bat phirmg

trinh & cho
Vidu 2

Céip s0 nao sau diy 1a nghidm eda bat phuong twinh 20x + 50y — 700 = 07
i} (5 6), b (9, 11)

Crii
a) Vi 20_.5+ 50 6— 700 =-300 < 0 nén (5, 6) 12 nghiém cia bat pharong trinh
20x + 50y —T00< 0,

b) Vi 20 9+ 50 11 — 700 = 30 > 0 nén (9: 11) khéng phai la nghiém cia bat plarong
trinh 20x + S0y — 700 <0,

Cdp sb nao sau dity i nghidin cia bt phirong trinh dv—= 7y - 28 > 07

a) (9, 1), by (2; 6), €) (0, ~4).

S

¥\ Cho biét mbi 100 g that bo chera khoang 26,1 g protemn, mét qua tnmg ning 44 gr.'.hmj
I-.lmm'lgﬁ 7 g protein (ngrdn hitps:/www vinmee, com). Gia st co mot ngumn ik ngay
can khéng qua 60 g protein. Goi 36 gam thit bo vi 86 qui tnimg ma ngiein do an trong

migt ngay lan luot 1 ¥ v ¥
a) Lap bat pharomg trinh theo x, v dién t giéd han vé luong protein frong khéu phan én
hing ngay cua nguam do
b) Ding bt pluromg trink & ciu a) 42 tri 160 ha céu héi sau
— Wén ngrdi d6 an 150 g thit bo va 2 quis trimg (méi quéa 44 g) trong mét ngay thi eo
phu hop khong?

Nen ngid 46 An 200 g thit b va 2 qua tiimg (mdi qua 44 g) trong mdt ngay thi eé
phin hep khang?

3. Biéu dién mién nghiém clia bat phuong trinh bac nhat hai an

ﬂ Cho bat phiromg tinh 2x— v+ 1 <0
a} V& duemg thang y=2x+ 1.
b) Cac cap 50 (-2: 03, (0:0), (1; D cola nghiem cia bat plirong trinh 43 cho khang”
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F  Trong mit pling toa 6 Oxy, tip hop cae digm (x . v) sao cho ax, + by, + ¢ < 0 duge
goi i mitén nghid¢m cia bat pharong tinbiay + by + ¢ < 0
Mg ta chumg minh duoe: Mot phurong tinh ax + By + ¢ =0 (a, b khong ﬂﬁ]‘g thoe bang ) xac
dindmdr duimg thing A, Budmg thing A clua mdt phimg Oy thind hat roa mdt phimg, trong 36
miot mia (khong ke bé A) 1 tip hop cie diem (x, v) thoa niin ax + Iy + ¢ =0, mia con lat (khong
ké b 4) 1a tip hop cae digm (v, ¥) thod min ax + by +¢ < 0
Ta co the tedu dign msn ngligm cia bat pluong trinh bic nhat hat an ax+ by+ e < 0 nhrsan:
E Birdre I: Trén mit phing Ovy, vE dwong thing A ax + by + e =10,
Birdre 2: Ly mot diem (x; v,) khong thude A Tinh ax, + by, + e,
Breoe 30 Kot huin
— Néu ax,+ by +e< 0 th mién nghiém ctia bt phuong tnnh 8 cho L mir mit phing
(khong ke bo A) chura dizm(x, v

- Neuax, + by, + ¢ > O thi mmién nghiém eiia bt plarong trinh & cho 1a nim mat phang
(khong ké br A) khéng chura didm (x,. v,)

Cha yz DXGi vin che bt pliromg tririh bée ntat hat an dang ax-+dy+ ¢ <0 (holic ax+ by + e = 0)
thi rrién nghidim La mign nghigm i bit phoeng trindvas + by 4 ¢ < 0 (hofic ax + by + ¢ > 0) k2

cit bis

Vidu3

Bizu dizn mien nghim cia cac bat plirong trinh sau
ajx—2y—12>0; bix+vy=-1=0

Cridi
a) V& duomg thang A: x — 2y — 1 =0 di qua
hat e A(L, 0) v B [D:—%]

,
;
v -
il
I e

Neét goc toa 46 O(0; 0). Ta thay O e A va
0—-2 0-1 <0 Dodo, mién nghidm cia
bat plurong trinh 14 niem mit phing khéng
ke bi A, khing chim goc toa do O (mien
khang gach ehéa rén Hinh 1)

Hinh |
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a} Biéu din mién nghiém cia cie bat phiomg trinh san

BAL TAP

1.

1=

JI-

L

WEB: TOANTHAYCU.COM

) VE duomg thing A x+ v~ 1= 0 di qua

hai diem.A(], 0) va B0, 1)

Xeét goc toa o (0, 0), Tathay P e Ava0+0-1<0,
Do do, mién ngloém oia bt plurong nh la

it mit phiing k2 ca ba A, chim gbe toa d5 O o \ 7

(midn khéng gach chéo trén Hih 2), -2z -1 @

) Ix+p—220; blx—y-220 Hinh 2

ﬁ;" Bieu didn micn nghiém eim hai bat plaromg trinh sau trén clng mot mit phing toa 46 Gy

By, b) x<4,

Cho bt pluromg trinh bdc nhat haidn xy — 2y + 6 >0,

a) (0 ) ¢d phin 1d mdt nghidm eia bit phirong trnh da cho khéng?

by Chi ra ba cip so (x, v) 12 nghigin ena bat pharong trinh da cho

¢) Bigu dign mizn nghigm cia bat phuong rinh d& cho fén mat phing Oxy,
B disn nusn nghaéon onn ohe bt phirong iy son trén ot phiing tog 46 Oy

a)-x+v+2>0, B 224, oY=t +2.<0,
Biéu dién nuén nghidm eola cie bat phuong trinky sau tés mit plilng toa 36 Oxy:
a)-x+ 2+ Ny-2) <X —x) Bl 3fx—1) 4+ Ay-2)<5x -3

. Ban Cric mudn pha hai log mroe cam pa plia ot it mode cam loa 1 can 30 g bot cam,

com mot it mroe cam loai 11 can 20 g ol cam. Gon x va v lan ot 13 56 lit noc cam loa |1
via I pha ché duge Bidt ring Ciie chi ¢o thé dimg khong qua 100 g bot cam Hay lap eac
bat phurong trinh mé ta 56 lit mirdée cam load [ va 11 mé ban Clic ¢o thé pla che duoe va bieu
din mién nghiém cia cac bat phirong trinh &6 trén eling mot mit pldng tos 43 Oy

. Mien khong gach chéo (khong ke bo o) trong méi hinh doo déy 1 mien ngluém el bat

plurong trnh nao?

Hinh 3
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Dang 1. Bat phwong trinh bic nhét hai 4n

1. Phuwong phap

Biat phwong trinh bac nhat hai 4an
ax+by >c

Bét phuong trinh bac nhat hai an x, y 1a ménh d& chira hai bién c6 mét trong cac dang axtby<c , trong
ax+by=>c
ax+by<c

d6 a,b,c 1a cac s thuc voi @’ +b° #0.

Nghiém ciia bat phwong trinh

Cip s6 (x,;),) d€ ax, +by, > c 1a bat dang thirc ding duoc goi 1a mot nghiém cua béat phuong trinh

ax+by > c.

Biéu dién tip nghiém ciia bat phwong trinh bic nhét hai 4n

Cﬁng nhu bat phuong trinh bac nhit mét an, cac bt phuong tr%nh béc nhét hai an thudng c6 vo sd nghiém

va d€ mo ta tdp nghi¢ém cua chung, ta sir dung phuong phap bic¢u dién hinh hoc.

Trong mit phing toa d6 Oxy, tap hop cac diém co toa do 12 nghiém cua bat phuong trinh duge goi la

mién nghiém cua noé.

Tir d6 ta c6 quy tic thuc hanh biéu dién hinh hoc tap nghiém (hay biéu dién mién nghiém) cua bat

phuong trinh ax +by < ¢ nhu sau (tuong tu cho bat phuong trinh ax +by > ¢).

Buwde 1. Trén miat phang toa do Oxy vé& duong thang A:ax+by =c.

Bude 2. Lay mot diém M (x,;»,) khong thudc A (ta thuong lay gbe toa do O).

Buworc 3. Tinh ax, + by, va so sanh ax, + by, voi c.

Buréc 4. Két luan.

+) Néu ax, +by, < c thi nira mat phang bo A chira M, o la mién nghiém cua ax, +by, <c.

+) Néu ax, + by, > c thi ntra mat phang bd A khéng chira M, o 1a mién nghiém cta ax,+by, <c.

Chii y: Mién nghiém ciia bat phuong trinh ax, +by, < ¢ bo di dudng thang ax, + by, = ¢ 1a mién nghiém

ctia bat phwong trinh ax, +by, <c.

2. Céc vi du rén luyén Ki nang

Vi du 1: Xac dinh mién nghiém cua cac bit phuong trinh sau:

a) 2x—y=0.
x=2y S 2x+y+1.
2 3

b)

Hwéng din gii
a) Trong mit phang toa do, v& duong thing d:2x—y=0. Ta c6 d chia mit phing thanh hai ntra
mit phing. Chon mot diém bat ki khong thudc dudng thing do, ching han diém M (l; 0). Ta thay
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(1; 0) 12 nghiém cuia bat phuong trinh da cho. VAy mién nghiém can tim 13 nira mit phang bd chira

d vachtra diém M (1;0) (mién khong duge to mau trén hinh v&).

LY

-2

b) Tacod
x—=2y S 2x—-y+1
2 3

= 3(x—2y)—2(2x—y+l) >0

& —x—-4y-2>0

S x+4y+2<0

Trong mit phang toa dd Oxy, v& dudng thing A:x+4y+2=0. Xétdiem 0(0;0), ta thay (0;0)
khong phai 14 nghiém cta bat phuong trinh d cho, do d6 mién nghiém can tim 13 ntra mit phiang
bo A (khong ké dudng thang A) va khong chita diém O(0;0) (mién khong dugc to ddm nhu

hinh v&).
LY
1
5 4 R T A SR
-._______‘_‘--
-1\
2

Vi du 2: Xéac dinh mién nghiém cua cac bat phwong trinh sau:

a) x—-3y=0.

b) x—2y <x+y+l.

Huwéng din giai
a) Trong mit phang toa do, vé& duong thing d :x—3y=0. Ta c6 d chia mit phing thanh hai nira
mit phang. Chon mot diém bat ki khong thudc duong thang do, chang han diém N (1;0). Ta thiy
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(1; 0) 12 nghiém cuia bat phwong trinh da cho. VAy mién nghiém can tim 13 nira mit phang bd chira
d vachtra diém N(1;0) (mién khong dugc t6 dam trén hinh v&).

Ay
2

b) Tacod x_zy<x+y+1<:>x—y>—2(x+y+1)<:>3x+y+2>0.

Trong mit phang toa o Oxy, v& dudng thing A:3x+y+2=0.Xét diém O(0;0), ta thay (0;0)
1a nghiém ctia bat phuong trinh da cho, do d6 mién nghiém can tim 14 nira mat phang by A
(khong ké duong thang A) va chira diém 0(0;0) (mién khéng duogc t6 ddm trén hinh v&).

Ay

3

He

3. Bai tap tric nghiém

Céu 1. Bat phuong trinh nao sau déy 1a bt phuong trinh bac nhat hai 4n?

A 2x*+3y>0 B. X’ +y*<2 C.x+y*>0 D.x+y2>0
Loi giai

Chon D
Theo dinh nghia thi x+ y >01a bt phuong trinh bac nhét hai an. Cac bat phuong trinh con lai
1a bat phuong trinh bac hai.

Céu 2. Cho bat phuong trinh 2x +3y —6 < 0. Chon khing dinh ding trong cac khang dinh sau:
A. Bit phuong trinh (1) chi c6 mot nghiém duy nhét.
B. Bét phuong trinh (1) v6 nghiém.

C. Bét phuong trinh (1) 1udn c6 vo s6 nghiém.
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D. Bit phuong trinh (1) c6 tap nghiém 14 R .

Loi giai
Chon C
Trén mat phéng toa d9, duong théng (d):2x+3y—6=0 chia mat phéng thanh hai nra mat
phang.
Chon diém 0(0;0) khong thudc duong thang do. Ta thay (x;¥)=(0;0) 1a nghiém cua bat phuong
trinh dd cho. VAy mién nghiém cua bat phuong trinh 1a nira mit phang bo (d) chua diém
0(0;0) ké ca (d).
Vay bét phuong trinh (1) ludn c6 v6 s nghiém.

Céu 3. Mién nghiém cta bat phuong trinh: 3x+2(y+3)>4(x+1)— y+3 1a nira mit phang chira

diém:
A. (3;0) B. (3;1) C. (2D D. (0;0)
Loi giai
Chon C

Ta cd 3x+2(y+3)>4(x+1)—y+3&—x+3y—1>0.

Vi —2+3.1-1>0 1a ménh dé dung nén mién nghiém ciia bat phwong trinh trén chtra diém c6 toa

do (21).
Céu 4. Mién nghiém ciia bt phuong trinh: 3(x—1)+4(y—2)<5x—3 la nira mit phang chia
diém:
A. (0;0) B. (-4;2) C. (-2;2) D. (-5;3)
Loi giai
Chon A

Taco 3(x—1)+4(y—2)<5x—3e—2x+4y—8<0.

Vi —2.0+4.0-8<0 1a ménh dé dang nén mién nghiém cua bat phuong trinh trén chira diém co

toa do (0;0).
Céu 5. Mién nghiém ctia bat phuong trinh —x+2+2(y—2)<2(1-x) la nira mat phang khéng
chira diém nao trong cac diém sau?

A. (0;0) B. (1) C. (4,2) D. (I;-1)

Loi giai

Chon C

Tacd —x+2+2(y—2)<2(1-x)ex+2y<4.

Vi —4+22<4 la ménh dé sai nén (—4;2) khong thudc mién nghiém ctia bat phuong trinh.

Céu 6. Trong cac cdp s6 sau ddy, cip nao khong thudc nghiém cua bit phuong trinh:

x—4y+5>0
A. (-5;0) B. (-2;1) C. (0;0) D. (1;-3)
Loi gidi
Chon A
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Vi —5-4.0+5>0 1a ménh dé sai nén (—5:0) khong thudc mién nghiém cua bat phuong trinh.
Cau 7. Piém A(-1;3) la diém thuoc mién nghiém cta bat phuong trinh:
A. 3x+2y-4>0 B. x+3y<0 C.3x-y>0 D.2x-y+4>0
Loi giai
Chon A
Vi —3.(-1)+23-4>0 la ménh dé ding nén A(—1;3) la diém thudc mién nghiém cia bat
phuong trinh —3x+2y—4>0.
Céu 8. Cap s (2;3) 1a nghiém cua bat phuong trinh nao sau day?
A. 2x-3y—-1>0. B. x-y<0. C. 4x>3y. D. x-3y+7<0.
Loi giai
Chon B
Vi 2-3<0 1a ménh d& dang nén cip sb (2;3) 1a nghiém cua bét phwong trinh x-y <0.
Céu 9. Mién nghiém cua bat phuong trinh x+ y <2 1a phan td ddm trong hinh v& cta hinh v&

nao, trong cac hinh vé sau?

y y
2 2
\ 2 \ 2
(0] o
A. B
y y
2
2
/ . —2/ B
-2 @] (o]
C. D
Loi giai

Chon A
Puong thing A:x+y—2=0 di qua hai diém 4(2;0),B(0;2) va cip sd (0;0) thoa man bat

phuong trinh x— y <2 nén Hinh 1 biéu dién mién nghiém ciia bat phuong trinh x+y<2.
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Cau 10. Phan t6 dam trong hinh v& sau, biéu dién tdp nghiém cta bat phuong trinh nao
trong cac bat phuong trinh sau?

o | w

A/

A. 2x—-y<3 B. 2x—y>3 C.x-2y<3 D. x-2y>3
Loi giai
Chon B

Puong thing di qua hai diém A[%;O va B(0;,—3) nén c6 phuong trinh 2x —y =3.

Mit khéc, cap s6 (0;0) khong théa man bat phuong trinh 2x—y >3 nén phan to6 ddm & hinh trén

biéu dién mién nghiém cta bt phuong trinh 2x—y>3.
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Bai 2. Hé bat phuong trinh bac nhat hai an

T koo He bt phucng trinh bic nhit hal &n; Nghiém; Mién nghiém;
Didu kibn rang budc; GiA trf kin nhat: Gid tr nhd nhat,

@ Hai duong thing ¢y =-x-2vad:y=x+1
chia mat phing toa 46 thanh bén mién khac
nhau (khéng tinh hai duimg thing d va d)
nhe hinh bén. Bé ki hiéu mét trong bén mién
dé, nguidi ta da tao nhan;

Héy dit nhan n phi hop.

1. Khéi niém hé bat phuong trinh béc nhét hai én

Mot nginn nong din dir dinh quy hoaeh x 330 dhit trong ca tim va y sao dat tring ca chua,
Bied ring ngwrin 46 chi g6 101 da 9 m:tudﬁng A mina hat gicng vi gia tén hat giong cho
midi sa0 dat trong ca tim 1 200 000 dong, mds si.q dat trémg ca chua 1a 100 000 dong,
a) Viet cie bat phueng trinh md t cée dieu kién ring buge dé van x, ».

1) Clip 50 nao sau day thiod wilin dong ther tat ¢ cac bat phuroiig trinh ngu trén?

(20, 40), (40,20, =30.10)

Bii todn tim nghidm ching o ba bat phaong i 0,2v+ 0,1y -9 < 0, v = 0 va y = 0 1a bai
toan fim nghigm cia hg saw

[0,2x+0,1y—0<0

x=0

|y 20

E H§ bit pharong trink bdc nhat hai dn 13 1é gom hai hay nhiéu bat phuong trinh bic
riliat hai 8 x, v M nghidm chiung cia tat ch cac bat plurong trinh 46 drge goi b mt
nghidm ciia hé bit phurong trinh da cho.

Trén mét phing toa 45 Oy, tip hop cac dicm (v, v} 0 toa 46 1d nghigm cia hé bat
pluromg trinh bée bt ha an duge got 1 mién mghidm cia 1ié bat pharong trink 45,
Vidu1
Tim hé bat phuong trinh bac nhat hai 4n trong cac hé saw

(x+y—3<0
Jlt+ v-120 b [Sx+y-9=0 & |¥—1<0 J!—I.t+y+3 =1
[?1—1-+1>u dr-Ty+3=0; |x+2=20; %20
{v=0
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Crily
Cac h2 a), c). d) la cac hé bat plaromg trinh bac nhat han an
Hé b) khong phéi hé bit pharomg trinh bie nhit had anvi he ndy el gdm cae phirong trink,

@I Hiiy chi ra hai nghiém ctia méi hé bat phurong trinh trong Vi du |

2. Biéu dién mién nghiém clia hé bat phuong trinh bac nhét hai an

g
: (x+y-3<0 \\
S5 o né bt phuong trinky | b

| 2x+ y4+3Z0
Mién nao trong Hinh 1 biéu dién phin giao
cac men nglidém cia ha bat ploromg tnnh
trong heé di cho?

Mien khong gach chéo trong Hinh 1 1a mmén nghiém
et hé bat phwomg trinh trén

Hirh 1

D4 bidu dién mién nghiém mia hi bat plaromg trinh bae uhil hai an trén mét phing
toa do Chy, ta thye huén nhirsa;

~'T'rén etmg mat phing toa do; bieu dién nuen nghiém e mcn bat plurong trinh cia be
~ Phan giao otia eac nien nghiém 1 mien nghiém ot hé bt phuong frinh.

Vidu 2

B.:| ﬁ.- -3 VA i h-- |IE-T_]_35|}

1E1 EI'I.ll]].E:IIHE]'IlCIIIGUE L= |3_‘|;—.1,.'+15{|_
(ridi

Bitu difn timg mién nghidm cia mdi bat
pluromg trinh trén mdt phing Oxy

Mien khéng gach chéo (ké ca ba) trong Hinh 2
la pll:_:'m a0 cua ha men nglogém eta ha bl
plivrong trinh vi efig 14 phan bigu dién mién
nghiém cia hé bat phirong trinh di cho.
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Vidu 3

Bitu ditn mien nghiém et hé bat ploromg trinh
J Ix+y<b

x+ved
xz0
yz0

Cridi

Bitu difn timg 1mién nghigm ciba mdn bt
pluromg trinh trén mat phing Choy
Mién khong gach chéo (mién i ekl
OABC, bao gom ci ede canh) trong Hinh 3
la phin giao ctia cao micn nghiém vi cfing =
la phan lién dien muén nghiém cia he bat _ 1H
phuong trinh d3 cho. ik 3
Chii y: Mien mit phiing toa da bao gfml mét da prae 161 va phan nim bén trong da pidc
dé duoe goi 1a mot midn da gide. Ching han, ta ¢ micnnghizm ciia hé bat phirong trinh
trong Vi du 3 [a mien i giac GABC
@2 Bicn dign mien nghidin ela hé bt phuoni trinh

i+ ¥=<8

2x+3yv <l

x=0

y=0

3. Tim gia tri l&n nhat hodc gia tri nhd nhat cia biéu thie F = ax + by
trén mét mién da gidc

TN

H# bit phurong trinh gidp ta mé th duge nbigu bii toan thire té d2 tim ra cach gial quyst
tod . Chiing thuong dwoe dira ve b toan tim gia tri lon nhat (GTLN} hofe gia try
nhé nhat (GTNN) etia biéu thite F = av + by 80 mét mién da gie
Ngwis ta chimg manh duoe F dat ga tn lon nhat hofie nho nhat tan mét trong cae dinh cia
da mac
Vidu 4
Bac Nim dy dinh trong ngo va diu xanh trén mat manh dat co dign tich 8 ha, Neéu trong
| ha ngd thi ean 20 ngay cong va thu duge 40 méu dong. New trong | ha din xanh thi ean
30 ngay cong va thu duge 50 meu dong. Bac Nam can trong bao nhiéu hecta cho moi loa
cay dé thu duge niugu ten nhat™ Biét ring, bac Nim chi co the sir dung khdng qua 180 ngay
cong cho viée frong ngd va dau xanh

Criei
Giol x la 50 hecta dat trong ngd va v 1a 50 hecta dit trong dau xanh
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Ta c6 cac dién kién rang bude dd van x, v nlur san
~Hignnliénx=0,y=0
—[D1én fich canh tac khong virot qua 8 hanénx+ v <8.
- 80 ngay comg sirdung Khong vugt qua 180 nén 20x + 30y < 180
[x+y<8
20+ 30y <180

Tir do, ta co hé bt pharemg trindi mé th cic dén kaén ring bude; | o

(yz0

Bicu ditn mién nghiém ciia hé bat phaong tinh nay
tren he e tog do Choy, ta duee nmoén e gae CGHBC
(Hinh 4}

Toa do cac dinh oua hir gae do la €40, 0}, 4(0; 6),
B(6; 2y, C(8; 0)

Gon F 1 50 tign (dom i triéo dong) bae Nium thu duroe,
ta co! F= 40x + 50y

Ta phea tim x, v thoa man he it plwrong trnh sao cho
F dat ga tri lon nhat, nghia la b gia tn lon nhat cia
beew thie F = 40y + 50y trén mién hr gide G4BC

Minh 4
Tinh cac gia tn ciia bien thite # tal ede dinh cioa da gide, ta cd:
Tai OX0, 0): F =400+ 50.0=10; Tar A0, 6 F =400 +50.6= 300,
T B(6; 2): F=40.6% 502 =340 Tan (R D)0 F =408 + 50.0 =320

F dat gia tn lon nhat bang 340 ta 806, 2)
Wiy d2 thu drge nhien tign nhat, e Nam can trong 6 ha ngd va 2 ha din xanh
Vidus

Mot ngurin ding ba Lol nguyén lidu A, B, C dé san xuit ra hai logi sin pldm P va @ Bé sin
wigit | ke mdi lont san phim P hofic O phil dimg mat 36 kilégam nguyén lidu khac nhan
Téong so kalagam nguyen ligu moi loai ma ngu do co va 30 kilogam timg lom nguyen lign
can thiet dé san xuit ra 1 kg san pham mai lom duoe cho trong bang san:

546 kildgam timg loal aguyén lbuw
Loal nguyén ligu Hmﬂmﬁﬁmﬂ.:gtﬂ cdn @ sdn xudt 1 kg sin phim
i o
A 10 7 7
€ 12 B i
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Biet 1 kg sin phim P ¢6 loi nbudn 3 trigu dong v | kg sin pham 0 c6 Lot nhuiin 5 tridu déng
Hiiy Lip phurome an san smat hai loal san pham trén sao cho e6 1 cao nlat

Criei

Gl x 1 56 kildgam sin phitm £, v la s0
kilogam san pham O can san xuat. Ta
et hé biat phuong trink:

Ix+2v <10

2y =4

{2x+dy <12

x=0

=0

Bieu difn muen nghigm cia hé bat
plaromg trinh trén he true toa do Oy, o]
ta duirge nlur Hinh 5. Hinh §

Mien nghigm la muen ngil giae ©CB4D (Hinh 5) vai cae dinh: O(0; 03; €(0; 2). B(2: 2);
A4, 1), X5, 0).

Gol F i 20 tien L (don vio Ldéuﬁi‘g]ﬂm throe. ta co: F = 3x * 5y

Tinh gid tri cva F tai cag dinh ciia ngii gisc:

Tar €A0,0): F=30+50=0, Tal ) £=3l+ts52=10;

T B(2;2) F=31+31=16; TaA4 1y F=34+51=1T,

TaiIN5.0): F=35+ 50 =15

F dat gia trj 1ém nhat bing 17 taA(4; 1),

Vv nguwon 4o can san xuat 4 kg sén pham P va | kg san pham @ & co 1&l cao nhat
17 trdu dong

@ M&t nguin ban mroc giai khat dang ©6 24 g bot cam, 9 / mrac va 210 g duong de pha
ché hai loai mrdc cam 4 va B, D¥ phia ché 1 / mrde cam loi A cin 30 g duimg, 1 7 mirde
va | g bt camn; d2 pha ché | / mmoc cam loai B ¢an 10 g duemg, 1 7 mrde va 4 g bt cam
Mai Lit mroe cam loai A ban duoe 60 nghin dong, mon lit mrde cam loai B ban duoe
80 nghin dong. Ngirdi 6 nén pha che bao nhidu lit mrde cam mdi loai 42 co doanh thu
cao nhat?

BAI TAP

1. Bidu dién mién nghiém ctia moi hé it pluromg trinkh sau

. (x>1
JT+_1-'—32'[I' l-“‘z."":ﬂ' .
b - I
Lol AL S o 2+ y-5<0
|_1-' &0, y=x<3 )
y20
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2. Mt nha my sin st had load thude tnir giu néng
nghidp 1d A va B Cit sim xmat mdi thing loai 4
thi nha may thai ra 0,25 kg khi carbon dioxade
(CO,) va 0,60 kg khi sulfur dimade (S0,), san
xudl moi thing loai B thi thii ra 0,50 kg CO,
va 1,20 kg 30, Bict I?mg, aquy dinh han che san
hegmg CO, o nha may toi da 1a 75 kg va SO. tai

da la 90 kg moi ngay.

Hinh &

a) Tim hé bit phurong trinh mé th 6 thing ciia mdi loal thude tir séu ma nld may ed the
sar xuat mos ngay d2 dap img cac dido kign han ché trén. Bicu din micn ngluém cia hé
bat pluromg trinh do trén mit phing toa do

b) Vide nhd mdy sén xoat 100 thimg loa 4 va 80 thimg loa B méi ngay o phi hop von quy
dinh khomg?

¢} Vigc nha may san st 60 thnng loai 4 va 160 thing loar B mdi ngav co pln hop van quy
dinh khong?

3. Ban Lan thu xep dwoc khong qua 10 ;0 & lam hai lom den tnmg thu ting cho cac tré em

khuyet tit. Loai dén hinh con cacan 2 gio & lim xong | cai, con loai dén dng sao chi can

| giar d2 lam xong | can, Gowx, ¢ lan Tuot 14 so0 dén hinh con ca va dén ong sa0 ban Lan 58

lim. Hiy Ip hé bat plurong trinh mé t didu kaén cta ¥, » vi bicu didn micn nghiém cia hé

bal phuong nnh da

4. Mot hoe sinh dyr dinhove eac tam thigpsasn bim bing tay dé ban trong mét hoi cho Tét. Can
2 gid 42 vE mot tam thidp loat nha ed g 10 nghin dong vA'3 gid 42 vE mot tam thidp load
lom co gia 20 nghin dong, Hoe simh nay chi co 30 gio d& v va ban to cluie ha cho yéu cin
phit v& it nhat 12 tam. Hiy cho biét ban ay can vE bao nlién tam thigp mai lom dz co duoc
nhieu tizn what.

. Trong mot tuin, ban Manh cd the thu xep diroe 161 da 12 gia d& tap the due giam can bang
hal mone dap xe va tEp o ta (a1 phong tap. Cho bist mol gio dap xe s& tién hao 350 calo va
khéng ton chi phi. maoi gio tip o1t ta 52 tigu hao 700 calo vén chi phi 50 000 déng / g10. Manh
miticn iéu hao nhiéu calo nhin ig khiong duoe vuot qua 7 000 calo mit tuan. Hiy giup ban
Manh tinliso gid dap %2 va 50 gio tap ta mat tian trong had tnoeme hop sau;

a) Manh muon chi phi luvén tip L it nhat
b} Manh muon s6 ealo tién hae 1a nhien nhat

£

Dang 1. Hé bat phuong trinh bac nhit hai an

1. Phwong phap

Tuong tu hé bat phuong trinh mot an, ta c6 hé bat phuong trinh bac nhét hai an.

Tr(?ng mit phang toa do, ta ggi tap hop cac diém co toa do th9é méan moi bat phuo:ng trinh trong h¢ 1a
mién nghi€ém cua hé. Vay mién nghiém ctia h¢ 1a giao cdc mién nghi¢m cuia cac bat phuong trinh trong
hé.

Pé xac dinh mién nghiém cua hé, ta dung phuong phéap biéu dién hinh hoc nhu sau:
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- Véi mbi bat phuong trinh trong hé, ta xac dinh mién nghiém ctia né va gach boé (t6 mau) mién con
lai.
- Sau khi lér‘n nhu trén lan luot dbi véi tit ca cac bat phu’qng trinh trong hé tr?:n cing mot mit phing
toa d§, mién con lai khong bi gach (t6 dam) chinh 1a mién nghi€m cua hé bat phuong trinh da cho.
Bai toan: Tim gi4 tri 16n nhat, nhoé nhét cta biéu thic T(x, y) = ax+by v6i (x;y) nghiém dung mot hé
bat phuong trinh bac nhat hai 4n cho trudc.
- Budée 1: Xac dinh mién nghiém cta hé bat phuong trinh d cho. Két qua thuong dugc mién
nghiém § la da giac.
- Buwdc 2: Tinh gid tri cua F' tuong Uing véi (x; y) 1a toa d6 cua cac dinh cua da giac.
- Budre 3: Két luan:
* Gia trj 10n nhat cua F 14 s6 16n nhét trong cac gia trj tim duoc.
* Gia tri nho nhit cia F 13 sb nho nhat trong cac gid tri tim dugc.
2. Cac vi du rén luyén ki ning
Vi du: Xac dinh mién nghiém cua hé bt phuong trinh sau {x ty-220
x—=3y+3<0.
Hwéng din giai
V& cac duong thing d :x+y—-2=0, d':x—3y+3=0 trén mit phing toa do Oxy.
Xét diém 0(0;0), ta thdy (0;0) khong phai 1a nghiém cua bét phuong trinh x+y—2>0 va
x—3y+3<0 do d6 mién nghiém can tim 14 phan mit phang khong duoc t6 dam trén hinh v& ké ca hai
duong d va d'.

x+y>0

Vi du 2: Xac dinh mién nghiém cta hé bat phuong trinh sau: < 2x—3y+6>0.
x=2y+120
Huwéng din giai

V& cac duong thiang d :x+y=0,d":2x-3y+6=0 va d":x—2y+1=0 trén mit phiang toa d6 Oxy.
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d y ,w*:;i_: :JE!:'_'.?*';@

...;“35: ‘_.-.1 Y

L = L .|:_'_'E dn

]
L B

Xét diém 0(0;0), ta co (0;0) 1a nghiém cta bat phuong trinh 2x—3y+6>0 va x—2y+1>0. Do
d6 0(0;0) thudc mién nghiém cua cac bat phuong trinh 2x—3y+6>0 va x—2y+1>0. Xét diém
M (1;0) 13 nghiém cua bit phuong trinh x+ y >0 do d6 diém M (1;0) thudc mién nghiém cua bat
phuong trinh x+ y > 0. Viy mién nghiém can tim 13 phan mit phang khong dugc t6 ddm trén hinh v&
ké ca duong thang d".
Vi du 3: Xéac dinh mién nghiém cua bat phuong trinh (x — y)(x3 + y3) >0.
Hwéng din giai

Tacod
(x—y)(x3+y3)20<:>(x—y)(x+y)(x2—xy+y2)20<:>(x—y)(x+y)20

x—-y<0

=0 1) hoa 2
odc .
+y20() ' x+y£0()

<:>(x—y)(x+y)20<:>{x_y
RS

Nhu vay mién nghiém ciia hé bat phuong trinh d cho 13 gdm hai mién nghiém ciia hé bat phuong
trinh (1) va (2).

V& cac dudng thang d:x+y=0 va d’:x—y =0 trén mit phang toa d0 Oxy. Xétdiem M (1;0), ta
c6 (1;0) la nghiém ctia cc bat phuong trinh ctia hé (1) do d6 M (1;0) thudc mién nghiém ciia hé bét
phuong trinh (1). Xét diém N (-1;0), ta c6 (—1;0) la nghiém cua cac bat phuong trinh ciia hé (2) do
d6 N(-1;0) thudc mién nghiém cta hé bat phuong trinh (2). Vay mién nghiém can tim 1a phan mét

phang khong dugc to6 dam trén hinh v& ké ca hai duong thang d va d'.
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2x+y—-9<0
Vi du 4: Cho biéu thirc F(x;y)=2x+y trén mién xdc dinh béi hé¢ {x—y <0 . Tim gi4 trj 16n nhét
y—1<0
cua F
Hwéng din giai
Trong mit phiang Oxy ta v& cac duong thang c6 phuong trinh:
2x+y—-9=0;x—y=0; y—1=0.
Khi d6 mién nghiém cua hé 1a mién tam giac ABC ké ca bién,
duoc t6 dam, voi A(3;3),B(4;1),C(L1).

Tacd F(3;3)=9; F(41)=9; F(1;1)=3.

Vay gid trj [6n nhat1a F, =9 khi x=4;y =1 hoic 1 1 % 5 A4Ne x

A S
x=3;y=3. i \

3. Bai tap tric nghiém

x+3y-220

. Trong céc di€m sau, diém nao thudc mién
2x+y+1<0

Céu 1. Cho hé bit phuong trinh {

nghiém cua hé bat phuong trinh?
A. M(0;1) B. N(-11) C. P(1;3) D. O(-1,0)
Loi giai
Chon B
Ta thay 14n luot toa d cac diém vao hé bat phuong trinh.

0+3.1-2>0

. Bit phuong trinh thir hai sai nén A sai.
20+14+1<0

Véi M(0;1)= {

—1+3.1-2>0

: bung. Chon B.
2.(=1)+1+1<0

Véi N(-L;1) = {

2x-5y—-1>0
Céu 2. Cho hé bat phuong trinh { 2x+y+5>0. Trong cic diém sau, diém nao thudc mién
x+y+1<0

nghiém cua hé bat phuong trinh?
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A. 0(0;0) B. M(1;0) C. N(0;-2) D. P(0;2)
Loi gidi
Chon C
Ta thay 14n luot toa d cac diém vao hé bat phuong trinh.
20-50-1>0 ) )
Véi 0(0,0)= {2.040+5>0 . Bat phuong trinh thir nhat va thir ba sai nén A sai.
0+0+1<0
21-50-1>0 )
Véi M(1;0)={2.140+5>0 . Bat phuong trinh thir ba sai nén B sai.
I+0+1<0

2.0-5.(-3)-1>0
Véi N(0,-3)=12.0+(-2)+5>0 : Ding. Chon C.

0+(-2)+1<0
2120
2 3
Céu 3. Mién nghiém cua hé bt phuong trinh < x >0 chtra diém nao trong cac diém sau
+—— 3 <2
2
day?
A. 0(0;0) B. M(2;1) C. N1 D. P(5;1)
Loi giai
Chon B
Ta thay 1an luot toa d cac diém vao hé bat phuong trinh.
0,0,
2 3 ) )
Véi 0(0;0)=10>0 . Bat phuong trinh thir nhat sai nén A sai.
04l 30,
2 2
2.1 45
2 3
Véi M(21)=12>0 : bung. Chon B.
24131y
2 2
3x+y=>9
A -2 - . A1 A . x2y-3 Y \ [ 4:2 A
Cau 4. Mién nghiém cua hé bat phuong trinh 58 chua diém nao trong céc diém sau day?
y>8—x
y<6
A. 0(0;0) B. M(1;2) C. N(2;)) D. P(8;4)
Loi giai

Chon D
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Thay 1an luot toa do cac diém vao hé bat phuong trinh.

Céu 5. Diém M (0;-3) thudc mién nghiém ciia hé bat phuong trinhnao sau day?

A 2x—-y<3 B 2x—y>3 C 2x—y>-3 D 2x-y<-3
Cl2x+5y<12x+8 | 2x+5y<12x+8  |2x+5y<12x+8 C|2x+5y>12x+8
Loi giai

Chon A

Thay toa dd M (0;—3) lan luot vao timg hé bat phuong trinh.

Cau 6. Cho hé bat phuong trinh {x+y—2 =0 . Trong cac diém sau, diém nao khong thudc
2x=3y+2>0
mién nghiém cua hé bat phuwong trinh?
A. 0(0;0) B. M(1;1) C. N(-L1) D. P(-1;—-1)
Loi giai
Chon C

Thay 1an luot toa d cac diém vao hé bat phuong trinh.
x—2y<0
Céu 7. Mién nghiém ctia hé bit phuong trinh < x+3y > -2 1a phan khong t6 dam cua hinh v& nao
y—x<3

trong cac hinh v€& sau?

Loi giai
Chon A

Chon diém M (0;1) thtr vao cac bat phuong trinh ctia hé thdy thoa mén.
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x+y—-1>0
Cau 8. Mién nghiém cua hé bit phuong trinh { y >2 1a phan khong to ddm cua hinh v& nao
—x+2y>3
trong cac hinh v€& sau?
\y y
2 2
I 1
N : N :
-3 0 -3 0
A. B
Ay y
2 2
1 1
A ; N ;
-3 0 -3 0
C. D
Loi giai

Chon B
Chon diém M (0;4) thir vao cac bét phuong trinh cia hé thdy thoa mén.

Cau 9. Phan khong t6 ¢am trong hinh vé dudi ddy , biéu dién tap nghiém ctia hé bat phuong trinh
nao trong cac hé bat phuong trinh sau?

x-2y<0 x=2y>0 x—=2y<0 x—-2y<0
A. B. C. D.
x+3y>-2 x+3y<-2 x+3y<-=2 x+3y>-2
Loi gidi
Chon D
Do mién nghiém khong chira bién nén ta loai dép an A va C. Chon diém

M (0;1) thir vao cac hé bat phuong trinh.
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Xét dap an B, ta co {0_2’1 ~0 s
0+3.1<-2
y—2x<2
Céu 10. Gi4 tri nho nhat cta biéu thic F = y—x trén mién xac dinh boi hé {2y —x>4 1a
x+y<5
A. minF =1 khi x=2, y=3. B. minF=2khi x=0, y=2.
C. minF =3 khi x=1, y=4. D. minF =0 khi x=0, y=0.

Hwéng din gii
Chon A.
y=2x<2
Mién nghiém ctia hé¢ {2y —x >4 1a mién trong ciia tam gidc ABC ké cé bién
x+y<5

e

A

Ta thdy F = y—x dat gi4 tri nho nhét chi co thé tai cac diém 4, B, C.

Tai 4(0;2) thi F=2.

Tai B(1;4) thi F=3

Tai A(2;3) thi F=1.

Vay minF =1 khi x=2, y=3.

0<x<10
A s 1a 1k » 1A , R A . wopa ]0SY<S9
Cau 11: Gid tri nhdé nhat F . cuia biéu thitc F(x;y)=4x+3y trén mién xac dinh bdi h¢
2x+y=>14
2x+5y2>30
A.F_ =23 B. F . =26 C.F, =32 D. F_ =67
Loi giai
Chon C
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la:

WEB: TOANTHAYCU.COM
Trong mat phang toa d0 Oxy, v€ cac duong thang

d 2x+y—-14=0, d,:2x+5y-30=0, A:y=9, A':x=10.
Ay

14

d

Khi d6 mién nghiém cua hé bt phuong trinh 1a phan mat phang t6 mau nhu hinh v&.

Xét cac dinh cita mién khép kin tao boi hé 14 4(5:4), 3[3;9], C(10;9), D(10;2).

F(54)=32
) F[§;9]_37
Ta cod 2 ——F_ =32
F(10;9) =67
F(10;2) =46
2x—-y=22
.2 , e A e A | XT2y<2 , A
Biéu thuc F(x;y)=y—x dat gia tri nhd nhat vai diéu kién s tai diém M co6 toa dd
x+y<
x>0
8 7 2 2
A. (41 B.|—;—— C.|—;— D. (5;0
(@) 3-7] 3-3) (5:0)
Loi gidi
Chon A
d3 d1
3
21 ¢
b B
.
0 1 2 3 4 5N
d2 -
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V& cac dudng thang :
) y=2x-2

(d,
(d) y——x 1
(d) y=5-x

Khi d¢6 mién nghiém cta hé 13 mién trong ctia tam giac ABC

Toa dd cac dinh: A(Z §J B(4 1) C(g _EJ
3°3 373

Tacod: F(41)=-3; F(g —3j=_—4:>me=—3
3 3 3
x+2y-100<0
A .~ . J2x+y—-80<0 X cr s s £ , -2 ,
Cau13. Cho x,y thod man hé >0 Tim gid tri 16n nhat P__ cua biéu thuc
X2

y=>0
P =(x;y)=40000x+30000y
A. P_.=2000000 B. P_ =2400000 C. P_ =1800000 D. P =1600000

Loi gidi
Chon A
Trong mat ph'flng toa dd Oxy, vé cac duong théng d:x+2y-100=0, d,:2x+y—80=0.

100

\ B

d;

Khi ¢6 mién nghiém cta hé bat phuong trinh 13 phan mit phing t6 mau nhu hinh vé.
Xét cac dinh cua mién khép kin tao boi hé 1a
0(0;0), 4(0;50), B(20;40),C (40;0).

0)=

(0;

P(0; 50) =1500000
P(20;40) = 2000000
P(40;0) = 1600000

P

Taco P... = 2000000.
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0<y<4
A g £ L 1R , A AL oA | X20 \
Cau 14. Giatrilonnhat £ cuabiéu thitc F(x;y)=x+2y trén mién xac dinh boi hé 1<0 la
x—y—-1<
x+2y-10<0
A.F =6 B. F =8 C.F_ =10 D. F =12
Loi gidi
Chon C

Trong matphéng toa dd Oxy, vé cac duong théng d:x—y—1=0, d,:x+2y—-10=0, A:y=4.

\ 8

Khi d6 mién nghiém cua hé bt phuong trinh 1a phan mat phang t6 mau nhu hinh v&.
Xét cac dinh ctia mién khép kin tao béi hé 1a 0(0;0), 4(1;0), B(4;3), C(2;4), D(0;4).

F(0;0)=0
F(5,0)=1
Taco {F(4;3)=10——F,,, =10
F(2;4)=10
F(0;4)=8

Dang 2. Bai toan tdi uvu

1. Phuwong phap

Van dé tim mién nghiém ciia hé bat phuong trinh bac nhat c6 lién quan chit ché dén quy hoach tuyén
tinh. D6 1a mot nganh toan hoc c6 nhiéu tmg dung trong doi séng va kinh té.

Luru y: Ta thira nhan két qua sau “Gi4 trj nho nhét hay 16n nhét cua biéu thire P(x;y)=ax+by +c

a® +b> #0 trén mién da giac 16i (ké ca bién) dat duoc tai mot dinh nao d6 cua da giac”.

2. Céc vi du rén luyén Ki nang

Vidu 1: Mot cong ty kinh doanh thuong mai chuén bi cho mot dot khuyén mai nhim thu hat khach hang
bang cach tién hanh quang céo san pham ciia cong ty trén hé thong phat thanh va truyén hinh. Chi phi cho
1 phut quang cdo trén séng phat thanh 1a 800.000 dong, trén séng truyén hinh 1a 4.000.000 dong. Pai phat
thanh chi nhan phat cac chuong trinh quang céo dai it nhat 1a 5 phat. Do nhu cdu quang c4o trén truyén
hinh 16n nén dai truyén hinh chi nhan phat cac chuong trinh dai tdi da 1a 4 phat. Theo cac phan tich cing
thoi lugng mot phut quang céo trén truyén hinh s& c6 hiéu qua gp 6 1an trén song phat thanh. Cong ty du
dinh chi ti da 12 16.000.000 dong cho quang céo. Cong ty can dit thoi luong quang cdo trén song phat
thanh va truyén hinh nhu thé ndo dé hiéu qua nhat?

Huwdng dan gidi
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Phén tich bai toan: Goi thoi lwong cong ty dit quang céo trén song phat thanh 1a x (phit), trén truyén
hinh 14 y (phut). Chi phi cho viéc nay la
800.000x +4.000.000y (ddng).
Mirc chi phi nay khong duoc phép vuot qua muec chi téi da, tirc 1a
800000x+4000000y <16000000
& x+5y-20<0.
Theo gia thiét, ta c6 x>5; x < 4.
Dong thoi do x, y 1a thoi lwong nén x> 0;y > 0.
Hiéu qua chung cta quang cdo 1a x+6y.
Bai toan tr¢ thanh: Tim x, y sao cho M (x; y) =x+6y dat gid tri 16n nhét, véi x, y thod man h¢ bét
x+5y-20<0
phuong trinh { x > 5 (*).
0<y<4
Trong mit phing Oxy, ta biéu dién mién nghiém ctia hé bt phuong trinh (*) 13 phan tam giac ABC véi
A(5;3),B(5;0),C(20;0).
Tacd M (5;3)=23; M(5;0)=5; M (20;0)=20 suy ra gié tri 6n nhat ciia M (x;y) bang 23 tai (5;3).
Tt 1a néu dﬁ?lt thoi luong quang cdo trén song phat thanh 13 5 phut va trén truyén hinh 13 3 phat thi sé dat
hiéu qua nhat.
Vi du 2: Mot xudng san xuit haj loai san pham, 9m6i kg san p‘hém loai mét can 2kg nguyén lidu va 30 gid,
dem lai muc loi nhug?u} 40 000 dong. Moi1 san pham loai hai can 4kg nguyén li¢u va !5 gio derp laile'Ic
loi nhl{an 1a 30 000 dQng. Xudng c6 200kg nguy,én ligu va 1200 gid lam viéc. Hoi can san xuat moi loai
san pham bao nhiéu d€¢ c6 muc lgi nhuan cao nhat?
Huéng din giai

Phén tich bai toan: Goi x (x> 0) la s kg loai mot can san xuat, y (> 0) la s6 kg loai hai can san

xuét. Suy ra s6 nguyén liéu can dung 13 2x+4y, thoi gian 13 30x+15y ¢6 mirc loi nhuén 1a

40000x+30000y.

Theo gia thiét bai toan xuong c6 200kg nguyén liéu va 1200 gio lam viée, suy ra 2x+4y <200 hay

x+2y—-100<0; 30x+15y <1200 hay 2x+ y—80<0.

x+2y—-100<0
BAi todn tré thanh: Tim x;y thod man h¢ ix:()y 78920 () a0 cho L(x;) = 40000x + 30000y
y=>0

dat gia trj 16n nhat.

Biéu dién mién nghi¢m ctia h¢ (*) 1a mién t& gide OABC véi

0(0;0),A(40;0),B(0;50),C(20;40).

Ta co L(O; 0) = 0,L(40; 0) = 16000OO,L(O;50) =1500 000,L(20; 40) =2000000.
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Do d6 gié tri 16n nhat cua L(x;y) 1a 2 000 000 khi (x;y)=(20;40).

Vay nén san xuét 20kg san pham loai I va 40kg san pham loai hai dé c6 mirc loi nhuan cao nhat.
Vidu 3: Mot Féng ty dién tor sén,xuét hai kiéu radio trén hqai day chuyép doc lap. Radiq kiéu mot san xuét
trép day chuyén mot \Z('yi cong ’suét 45 raflio/ngéy, 1:adio kié}l hai san xuat trér} day ch1/1yén hai VfS’i cong
Su?.t 80 raglio/ngéy. bé san ‘xuét mot chiéc radio k’iéu mot c%n 12 linh kién, dé sé}n xuat mot chicc radio
kiéu hai’cén 9 linhqkién. Tién 1ai khi bén mot ch‘iéc radio 1’<iéu mot ’lé 250 OOO dong, 1ai thu duogc k‘hi bél}
m(f?t c‘hiéc r’adio kiéu hai la »1 80 000 dérng. Hoéi can san xuat nhu theé nao dé tién 1ai thu duoc la nhi€u nhat,
biét rang so linh kién c6 thé st dung toi da trong mot ngay 1a 900?

A. San xuét 15 radio kiéu mot va 80 radio kiéu hai.

B. San xuét 45 radio kiéu mot va 40 radio kiéu hai.

C. San xuat 45 radio kiéu mot.

D. San xuit 80 radio kiéu hai.

Huéng din giai
Chon B.
Goi x va y lan luot 13 s6 radio kiéu mot va s6 radio kiéu hai ma cong ty ndy san xuat trong mot ngay
(x;yeN).
S4 tién 1ai ma cong ty nay thu vé hang ngay 1a f(x;y)=250000x +180000y (dong).

12x+9y <900
Ta c6 hé bat phuong trinh 0<x <45 (*).
0<y<80

Bai toan tré thanh tim gia tri 16n nhit cia ham sb f (x; y) trén mién nghiém cua hé bat phuong trinh (*).
Mién nghiém cua hé bat phuong trinh (*) 1a ngii mién ngil gidc OABCD trong d6 0(0;0), 4(45;0),
B(45;40), C(15;80), D(0;80).

Taco f(x;)) 16n nhatkhi (x;y)=(45;40), tic la cong ty ndy can san xuét 45 radio kiéu mot va 40
radio kiéu hai.
Vidu 4: T»rong mc}} cudc thi pha ché, mdi déi»chori dugc sir dung t6i da 24 g huong liéu, 9 lit nudc va 210
g d,u(‘mg dé pha ché‘ nudc cam va nudc tdo. Be pha ché 1 lit nude cam can 30 g duong va 1 lit nué?; pha
ché 1 lit nudc tdo can 10 g duong, 1 lit nu:('yc va 4 g huong }iéu. Moi !it nudc cam nhan dugce 20 diéfn
thqu:(”mg, m@i l‘it nudc tdo nhan du’gc 80 diém thudng. Hoéi can pha ché bao nhiéu lit nudc trai cady moi loai
de dugc so tién thudng la 16n nhat?

A. 7 lit nude duong.

B. 6 lit nudc tao.

C. 3 lit nudc duong, 6 lit nudc tao.

D. 6 lit nudc duong, 3 lit nudc tdo.

Huwéng din giii
Goi x;y lan luot 1a s6 lit nuéc cam va tdo ciia mdi doi pha ché (x;y = 0).

S6 diém thudng ciia doi choi nay 1a f(x;y)=20x+80y.
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S6 gam duong can dung 1a 30x+10y (g).
S lit nude can ding 1a x+ y (1).
S6 gam huong liéu can dung 1a 4y (g).

Vi trong cudc thi pha ché, mdi doi choi str dung t6i da 24 g huong liéu, 9 lit nuwéc va 210 g dudng nén
ta c6 hé bat phuong trinh sau

30x+10y <210 3x+y<21

x+y<9 x+y<9

=S (*).
4y <24 y<6
x;y2>0 x;y2>0

Bai toan tré thanh tim gia tri 16n nhit cua ham s6 f (x; y) trén mién nghiém cua hé bat phuong trinh
(*).
Mién nghi€m cua hé bat phuong trinh (*) 1a ngii giac OABCD.
Trong d6 0(0;0),4(7;0),B(6;3),C(3;6),D(0;6).
Suyra f (3; 6) la gia tri 16n nhét ctia ham sb f (x; y) trén mién nghiém cua hé (*).
Nhu vay dé dugc sé diém thuong 16n nhat can pha ché 3 lit nude cam va 6 lit nudc téo.
3. Bai tap tric nghiém
Caul: Trpng mcf)t, cudc thi pha ché, mdi do6i choi duoc st dung tdi da 24 g huong li¢u, 9 lit nudc va 210
g duong dé pha ché nudc cam va nudc tdo.
e Dé pha ché 1 lit nu6c cam can 30 g duong, 1 lit nuéc va 1 g hwong lidu;
e Dé pha ché 1 lit nudc tdo can 10 g duong, 1 lit nude va 4 g huong lidu.

MB3i lit nudc cam nhan duge 60 diém thuong, mdi lit nudce tdo nhan duoc 80 diém thuong.
Hoi can pha ché bao nhiéu lit nudc trai cdy moi loai dé dat duoc s6 diém thuong cao nhat?

A. 5 lit nudc cam va 4 lit nudce tao. B. 6 lit nudc cam va 5 lit nudc tao.

C. 4 lit nuéc cam va 5 lit nudc tdo. D. 4 lit nudc cam va 6 lit nudce tao.
Loi giai

Chon C

Gia st x, y lan luot 1a s6 lit nude cam va so lit nude tao ma mdi déi can pha ché.
Suy ra 30x+10y la s0 gam duong can dung;
x+y 1a 80 lit nude can dung;

x+4y 1a s6 gam huong liéu can dung.

x>0 x>0
y=0 y>0

Theo gia thiét ta co {30x+10y <210 & {3x+y <21. (¥)
x+y<9 x+y<9
x+4y <24 x+4y <24

S6 diém thudng nhan dugce s€ 1a P =60x +80y.

Ta di tim gia trj nho nhét ctia biéu thitc P v6i x, y thoa min (¥).
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Céu 2: Mot xudng san xuat hai loai san pham
e Mbi kg san pham loai I can 2 kg nguyén liéu va 30 gio, dem lai murc 101 40 nghin;
® Moi kg san pham loai II can 4 kg nguyén liéu va 15 gid, dem lai mirc 16i 30 nghin.
" Xuong c6 200 kg n,guyén liéu va 1200 gior 1am viéc. Nén san xuat mdi loai san phdm bao nhiéu
dé c6 muec 101 cao nhat?

A. 30kg loai I va 40 kg loai II. B. 20kg loai I va 40 kg loai II.

C. 30kg loai I va 20 kg loai II. D. 25kg loai I va 45 kg loai II.
Loi giai

Chon B

Goi x>0, y>0 (kg) lan luot 13 s6 san phém loai I va loai II cAn san xuét.
Khi 6, téng s6 nguyén liéu st dung: 2x +4y < 200.
Tong s gior 1am viée: 30x +15y < 1200.
Loi nhuan tao thanh: L =40x+30y .

Thuc chit cia bai toan nay la phdi tim x >0, y >0 thod man h¢

2 4y <200 cr 1 A
{ FrAys sao cho L =40x+30y dat gid tri 16n nhat.

30x + 15y <1200

Cau 3: Mot xuong co khi c6 hai cong nhan 1a Chién va Binh. Xuong san xuat loai san pham 7 va II .
M&i san pham 7 ban 14i 500 nghin déng, mdi san pham /7 ban 1di 400 nghin dong. Dé san
xuit dugc mot san pham 7 thi Chién phai 1am viéc trong 3 gid, Binh phai lam viéc trong 1
gio. Dé san xudt dwoc mot san pham I/ thi Chién phai lam viéc trong 2 gid, Binh phai lam
viéc trong 6 gid. Mot nguoi khong thé lam duoc dong thoi hai san pham. Biét rang trong mot
thang Chién khong thé 1am viéc qua 180 gid va Binh khong thé lam viéc qua 220 gio. SO tién
131 16n nht trong mot thang cua xudng 1a.

A. 32 triéu dong. B. 35 triéu dong. C. 14 triéu dong. D. 30 triéu dong.
Hwéng din gii
Chon A.
Goi x, y lan luot 13 s6 san phém loai I valoai I duoc san xuit ra. Piéu kién x, y nguyeén
duong.
3x+2y <180
o . x+6y<220
Ta c6 hé bat phuong trinh sau:
x>0
y>0

Mién nghi¢m cua h¢ trén la
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90

C

o AN o

Tién 13i trong mot thang ctia xuong 1a 7=0,5x+0,4y .

Ta thdy T dat gia tri 10n nhat chi c6 thé tai cac diém A4, B, C. Vi C c6 toa d6 khong nguyén
nén loai.

Tai A(60;0) thi T =30 triéu dong.
Tai B(40;30) thi 7 =32 triéu dong.

Vay tién 14i 16n nhét trong mot thang ciia xuong 1a 32 triéu dong.
Cau 4. M(f)t, nha khoa hoc di nghién ctru vé tic dong ph‘éi hop cua ,hai loai Vitamin 4 va B da
thu duoc ket quqé nhu’ sau: Trong mot ngay, moi nguoi can tr 400 dén 1000 don vi Vitamin ca 4
lan B va co th§ ti€p nhan khong qué 600 don vi Vita~min A va khong qua 500 d@ vl vitamin B .
Do tac dong phoi hop cta h?li loai vitamin trén nén moi ngay r‘n(f)t nguoi s{r dupg s0 don vi vitamin
B khé}qg it hon mot nira §6 don vi Vitan}in A va khong nhié~u hon ba lan s6 don vi Vitan}in A .
Tinh s6 don vi vitamin moi loai ¢ trén d€ mdt ngudi dung moi ngdy sao cho chi phi ré nhat, biét
rang moi don vi vitamin 4 ¢6 gia 9 dong va moi don vi vitamin B c6 gia 7,5 dong.
A. 600 don vi Vitamin 4, 400 don vi Vitamin B
B. 600 don vi Vitamin 4, 300 don vi Vitamin B
C. 500 don vi Vitamin 4, 500 don vi Vitamin B
D. 100 don vi Vitamin 4, 300 don vi Vitamin B
Loi giai
Chon D
Goi x>0, y>0 1an luot 12 s6 don vi vitamin 4 va B dé mot nguoi can dung trong mot ngay.
Trong mdt ngdy, mdi ngudi can tir 400 dén 1000 don vi vitamin ca 4 1an B nén ta co:
400 < x + y <1000.
Hang ngay, tiép nhan khong qua 600 don vi vitamin 4 va khong qua 500 don vi vitamin B nén
ta co: x <600, y <500.
Mobi ngay mQt nguoi su ‘dung s6 don vi vitamin B khéng it hon mot ntra sé don vi vitamin 4
va khong nhiéu hon ba 1an s6 don vi vitamin 4nén ta c6: 0,5x < y <3x.
S6 tién can dung mdi ngay 1a: T (x,y)=9x +7,5y.
Bai toan tr¢ thanh: Tim x >0, y >0 théa man hé
0<x<600,0 <y <500 7 ,
400 < x + y <1000 dé T(x,y)=9x+7,5y dat gia tri nho nhat.
0,5x <y<3x

Céu 5. Cong ty Bao bi Duogc can san xuét 3 loai hop gidy: dung thudc Bi, dung cao Sao vang va
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dung "Q}Jy sam dai bd poén". Pé san xuit ,céc loai hop ndy, cong ty dung cic tim bia cé kich
thudc giong nhau. Moi tam bia c6 hai cach cat khac nhau.

"1 Cach thtr nhét cit duoc 3 hdp B, mot hdp cao Sao vang va 6 hdp Quy sam.

'] Cach thi hai cit dugc 2 hop Bi, 3 hop cao Sao vang va 1 hop Quy sdm. Theo ké hoach, s6 hop Quy

sam phai 6 1a 900 hop, §6 hop B, t6i thiéu 1a 900 hop, so hop cao sao vang tbi thiéu 1a 1000 hop.
Can phuong an sao cho tong s6 tam bia phai dung la it nhat?
A. Cit theo cach mot 100 tAm, cét theo cach hai 300 tam.
B. Cit theo cach mot 150 tdm, cit theo cach hai 100 tam.
C. Cét theo cach mot 50 tAm, cit theo cach hai 300 tim.
D. Cit theo cich mot 100 tAm, cat theo cch hai 200 tAm.

Loi giai
Chon A
Goi x>0, y>0 1an luot 1a s6 tAm bia cit theo cach tht nhat, thir hai.

3x + 2y >900

Bai toan dua dén tim x >0, y >0 thod min hé {x + 3y > 1000 sao cho L=x+y nho nhét.
6x + y = 900

Céu 6. Mot nha mdy san xuét, sir dung ba loai may dic ching dé san xuit san phim A4 va san
pham B trong mot chu trinh san xuét. Pé san xudt mot tin san pham 4 13i 4 triéu dong ngudi ta
sir dung may / trong 1 gio, may U trong 2 gio va may MI trong 3 gid. Pé san xuit ra mot tin
san phim B 13i dugc 3 triéu dong nguoi ta sir dung may 7 trong 6 gid, may U trong 3 gid va
may MI trong 2 gid. Biét raing may / chi hoat dong khong qua 36 gid, may hai hoat dong
khong qua 23 gid va may MI hoat dong khong qua 27 gio. Hay 1ap ké hoach san xuat cho nha
may dé tién 13i dugc nhiéu nhat.

A. San xuat 9 tan san pham A va khong san xuat san pham B

B. San xuét 7 tin san phdm 4 va 3 tin san pham B
, 10 . 2 .49 2
C. San xuat 3 tan san pham A4 va 3 tan san pham B

D. San xuit 6 tin san pham B va khong san xuit san phdm A
Loi gidi
Chon B
Goi x>0, >0 lasan luong can san xudt cia san phdm A4 va san pham B. Ta co:
x+6y la thot gian hoat dong cia may 1.
2x+3y la thoi gian hoat dong cia may 1.
3x +2y la thoi gian hoat dong cia may 111.
S tién 14i cia nha may: T =4x+3y .

x+6y <36
Bai toan tré thanh: Tim x>0, y >0 thoa man {2x+3y <23 dé T =4x+3y dat gid tri 16n nhat.
3x+2y <27

Mot gia dinh can it nhat 900 don vi protein va 400 don vi lipit trong thirc an mdi ngay. Mdi
kiogam thit bo chira 800 don vi protein va 200 don vi lipit. M6i kilogam thit lon chira 600 don
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vi protein va 400 don vi lipit. Biét rang gia dinh ndy chi mua nhiéu nhat 1,6 kg thit bo va 1,1

kg thit lon. Gia tién mot kg thit bo 1a 160 nghin dong, mét kg thit lon 1a 110 nghin dong. Goi
x,y lan lugt 1a so kg thit bo va thit lon ma gia dinh d6 can mua. Tim x,y dé tong so tién ho

phai tra 13 it nhat ma van dam bao lugng protein va lipit trong thirc dn?

A.x=03vay=11. B.x=03vay=0,7.C. x=0,6 va y=0,7.D. x=1,6 va y=0,2.

Huwéng din giai

Chon A.
) L 3 . <x<1,6
Theo bai ra ta c6 s tién gia dinh can tra 1a 160.x+110.y v61 x, y théa man: .
0<y<ll

S6 don vi protein gia dinh ¢6 1a 0,8.x+0,6.y 20,9 < 8x+6y 29 (d,).

S6 don vi lipit gia dinh ¢ 140,2.x+0,4.y 20,4 & x+2y>2 (d,).
0<x<1,6

e 7 5 \ 1 5 ~ A A 2 O < y < 191

Bai toan tréd thanh: Tim x,y théa man hé bat phuong trinh sao cho
8x+6y>9
x+2y=>2

T =160.x+110.y nho nhét.

] ‘\\‘q » : \ ‘

V& hé truc toa do ta tim dugc toa do cac diém A(16;11); B(16;0,2); C(0,6;0,7);
D(0,3;1,1).

Nhén xét: T(A)=377 nghin, T(B)=278 nghin, T(C)=173 nghin, 7(D) =169 nghin.

Vay tong so tién ho phai tra 13 it nhat ma vin dam bao luong protein va lipit trong thirc an thi
x=0,6 va y=0,7.
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CAU HOI TRAC NGHIEM

Cau 1. Diém nao dudi day thudc mién nghiém cia bat phuong trinh 2x+y—-1<0?

A. Q(151). B. M(1;-2). C. P(2;-2). D. N(1;0).
Loi giai

Chon B

Ta co:

0(1;1): 2+1-1<0<2<0 (vo Iy) nén diém Q(1;1) khong thude mién nghiém ciia bét phuong
trinh.
M(1;-2): 2=2-1<0<—1<0 (luén ding) nén diém M (1;-2) thudc mién nghiém cta bt phuong
trinh.
P(2;-2):4-2-1<0<1<0 (vo ly) nén diém P(2;-2) khong thugc mién nghiém cua bt phuong
trinh.
N(1;0): 2-0-1<0<1<0 (vo 1y) nén diém N(1;0) khong thugc mién nghiém ciia bat phuong
trinh.

Céu 2. Cho bt phuong trinh x—2y+5> 0 ¢ tap nghiém 1a S. Ménh dé ndo sau day 1a dung?
A. (-2;2)eS. B. (2;2)eS. C.(-2:4)eS. D. (1;3)eS.

Loi giai

Chon B
vl

Xét duong thang d:x—2y+5:0:>d:y:%x—§.

Lay diém O(O;O) ,tathly Oed vacd 0—2.0+5>0 nén nira mit phang bo (d) chtra O 1a mién
nghiém ctia bit phwong trinh (mién bi t6 xanh).
Khi d6 ta thiy (2;2)€S.
Céu 3. Hinh v& ndo sau day biéu dién mién nghiém cta bat phuong trinh 2x—-3y—6<0 (mién khong t6
dam ké ca bo)?
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Z ¥
\
a7 1 1 (] R 7 ; 2
7 7 7 .
s 17 )\
a

H1 H2 H3 H4

A. H1 B. H2 C.H3 D. H4
Loi gidi

Chon C
Duong théng 2x—3y—-6=0 di qua hai diém (0; —2) ,(3;0) nén loai dap an H2 va H4.
Mat khac 0(0; 0) khong thoa man 2x—3y —6 <0 nén chon hinh H3.
Céu 4. Mién cua bat phuong trinh 2x+ y > 1 khong chira diém nao sau day?
A. C(3;3). B. D(-L-1). C. A(L;1). D. B(2;2).
Loi giai
ChonB
Thir vao dé thdy rang D(—l; —l) khong thoa man bat phuong trinh nén dép 4n 1a B,

Céu 5. Cap sb (1;— 1) thudc mién nghiém cta bt phuong trinh nio sau day?

A. x+y-3>0. B. -x-3y-1<0.
C. —x-y<0. D. x+3y+1<0.

Loi giai
Chon D

Ta thiy cip s6 (1;—1) nghiém dtng bat phuong trinh x+3y+1<0.
Céu 6. Piém nao dudi day thudc mién nghiém cua bat phwong trinh 2x+ y—1<0?
A. O(L:1). B. M (1;,-2). C. P(2;-2). D. N(1;0).
Loi giai
Chon B
Thay toa do diém O vao vé trai ciia bat phuong trinh 2x+y—1<0,tacd 2.1+1-1>0.
Suy ra diém Q khéng thudc mién nghiém cua bat phwong trinh.
Thay toa d6 diém M vao vé trai ciia bit phuong trinh 2x+ y—1<0,tacd 2.1-2-1<0.
Suy ra diém M thudc mién nghiém cua bat phuong trinh.
Céu 7. Tap nghiém cta bat phuong trinh 3x -2y +1<0 Ia
A. Nira mit phang chira goc toa dg, bo 1a dudng thang 3x —2y +1=0 (khong bao gdm duong thing).
B. Nira mit phing chira gdc toa do, bo 1a duong thing 3x—2y +1=0 (bao gdbm dudng thing).
C. Ntra mit phiang khong chtra gbe toa do, bo 1a duong thang 3x—2y +1=0 (bao gdm duong thing).
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D. Ntra mit phing khong chira goc toa do, bd 1a duong thang 3x—2y+1=0 (khoéng bao gom dudng
thang).
Loi giai
Chon D

) _
Quan sat do thi ham s6 ta c6, nira mdt phang khong chira goc toa do, bd 1a dudong thang 3x—2y+1=0
(khong bao gdm dudng thang).

Céu 8. Cap sb nao dudi day 1a mot nghiém cua bt phuong trinh: 2x—y >3 .

A. (3;1). B. (O;—2) C. (1;1). D. (2;1).
Loi giai
Chon A
Céu 9. Mién nghiém cua bat phuong trinh 5(x+2)-9<2x—2y+7 khong chira diém nao trong céac
diém sau?
A.(2;3). B. (-2;1). C.(2;-1). D. (0;0).
Loi giai
Chon A

Thay toa do diém (2;3) vao bat phwong trinh 5(x+2)-9<2x—2y+7 taco:

5(242)-9<2.2-23+7 < 11<5 (Ménh d¢ sai).

Vay mién nghiém cua bat phuong trinh 5 (x+2)-9<2x—2y+7 khong chua diém (2;3).
Cau 10. Piém nao dudi ddy thudc mién nghiém cta bat phuong trinh x—2y—1<0?

A. M(0;-1). B. O(10). C. N(-5;-2). D. P(L;-1).

Loi giai

Chon B

Xét dap an A thay toa do M vao bat phuong trinh ta dwoc: 1< 0 (v6 1) nén loai

Xét dap an B thay toa d6 O vao bit phuong trinh ta dugc: 0 < 0 (dung) nén chon

Xét dap an C thay toa dd N vao bét phuong trinh ta duoc: 2 < 0 (v6 1y) nén loai

Xét dap an D thay toa @6 P vao bat phwong trinh ta dugc: 2 < 0(v6 1y) nén loai
Céu 11. Mién nghiém cua bat phuong trinh x—2y+5<0 la:
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, . . 1 5 3 .
A. Nua mat phang chira goc toa dg, bo 1a duong thang y = Ex+§ (bao gom duong thang).

. . . 1 5 \
B. Ntra mat phang khong chura goc toa dg, bo 1a duong thang y =§x+5 (khong bao gobm duong
thing).

, . . 1 5 . ,
C. Nira mat phang chua goc toa dg, bo 1a duong thang y = Ex + 5 (khong bao gom duong thang).

, . . 1 5 3 .
D. Ntra mat phang khong chira goc toa dg, bo 1a duong thang y = Ex + > (bao gom duong thang).

Loi giai
Chon B

1
Ta co: x—2y+5<0<:>y>5x+%.

, . 5
Thay toa do diém 0(0; 0) vao bat phuong trinh ta c6: 0<0 +E (vo 1y).
Vay diém O khong thudc mién nghiém cta bat phwong trinh.
" . . . . 1 5
Nén mién nghi¢m la: Nira mat phang khong chira goc toa do, bo la duong thang y = 5x+5 (khong

bao gdm dudng thing).
Céu 12. Puong thing d:2x—y =2 chia mit phang toa do thanh hai mién I, II c6 bo 1a duong thing d
(hinh v& bén). X4c dinh mién nghiém cua bt phuong trinh 2x—y>2.

A. Nira mit phang I bo di duong thang d. B. Nira mit phang 1 ké ca bo d.

C. Nira mat phang I1 ké ca bo d. D. Ntra mit phang II bo di dudng thang d .
Loi giai

Chgn A

Xét bt phuong trinh: 2x—y >2 (1)
Thay toa d6 gbc O(O;O) vao (1) ta dugc: 0> 2 (khong thda man).
Suy ra gbc O khong thudc mién nghiém cuia bat phuong trinh (1) .
Vay mién nghiém cua bat phuong trinh (1) 13 ntra mét phang I bo di duong thang d .
Céu 13. Tap nghiém cua bat phuong trinh 3x—2y +1<0.
A. Nira mit phang chira gbc toa do, bd 1a dudng thang 3x —2y +1 = 0(khong bao gdbm dudng thing).
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B. Nira mit phing chira gdc toa do, bo 1a duong thang 3x —2y +1=0(bao gdm dudng thang).
C. Nira mat phang khong chira gbc toa do, bo 1 duong thang 3x —2y +1 = 0(bao gdm dudng thing).
D. Ntra mat phang khong chira gbc toa do, bo 1a duong thiang 3x —2y +1=0(khong bao gdbm dudng
thang).
Loi gidi

Chon D
oty

ol
=
=)
&)
on
P
L
4

V& duong thang d :3x—2y+1=0.

Lay O(0;0) € d .Ta thay 3.0—2.0+1<0(v6 li).

Vay tap nghiém ciia bit phuong trinh 13 nira mat phing khong chira gbc toa do, bd 1a dudng thing
3x—2y+1=0(khong bao gdm dudng thing).
Céu 14. Puong thing d:2x—y—2=0 chia mit phing toa do thanh hai mién 7, /I 13 hai nra mit phing

c6 bo 1a dudng thang d (Hinh v& bén).
yA

/4

0/1
2

\ A

Xac dinh mién nghiém ctia bat phuong trinh 2x—y—2>0.

A. Nira mit phang / b6 di duong thiang d. B. Nira mit phang / ké ca bo d.
C. Nira mit phang /7 ké cabod d. D. Ntra mit phang I bo di dudng thing d .
Loi giai
Chon B
Ta thiy 0(0; O) ¢d va2.0-0-2=-2<0 nén (0; 0) khong 14 nghiém cua bat phuong trinh
2x—y—=22>0.

Do d6 mién nghiém ctia bat phuong trinh 2x—y—2 >0 1a mién khong chira diém O ké ca duong
thang d .
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Véy mién nghiém cta bat phwong trinh 2x—y—2>0 13 nira mit phiang / ké ca bo d.
Cau 15. Hinh duéi day biéu dién hinh hoc mién nghiém cta bat phuong trinh nao? (Mién nghiém 1a mién
khong gach chéo va mién nghiém khong chtra dudng thing)

A 3x+2y>2. B. 3x+2y<2. C. 3x+2y>2. D. 3x+2y<2.
Loi gidi

Chon C

Puong thang trong hinh v& 14 —3x+2y=2.

Gdc toa do 0(0; 0) khong thudc mién nghiém nén ta chon dap an C.

0<y<4
n 1 L, 0 1R , voax 1oa |X20 |
Caul&(haﬁﬂﬂnﬂmtambwuﬂmcF(n)j:x+2y,wndwukwn 1<0 la
x—y—-1<
x+2y—-10<0
A. 6. B. 12. C. 10. D. 8.

Loi giai
Chon C
Trén cung hé truc toa do Oxy:
+ V& mién nghiém ciia 0< y <4 (c6 bién 1a truc hoanh Ox va dudng thing y=4).
+ V& mién nghiém ctia x>0 ( c6 bién 1a truc tung Oy ).
+ V& mién nghiém cua duong thang x— y—1<0 ( ¢ bién la dudng thing x—y—1=0).

+ V& mién nghiém cua duong thang x+2y—10<0 ( ¢ bién la dudng thing x+2y—10=0).
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Khi @6 F(x;y):x+2y s& dat 1on nhat tai moét trong cac diém A(O;4),
0(00),B(1;,0),C(4:3),D(2;4).
Thir véi timg diém ta co F(x;y)=x+2y dat gid tri 16n nhit bang 10 tai diém C(4;3) hoac D(2;4).

Ciu 17. Biém O(0;0) khéng thudc mién nghiém ctia h¢ bat phuong trinh nao sau day?

A {x+3y<0 . B, {x+3y20 .
2x+y+4>0 2x+y—-4<0
. {x+3y—6<0. D, {x+3y—6<0.
2x+y+4>0 2x+y+42>0
Loi gidi
Chon A

Thay toa d0 O vao hé ta duoc dap an.
Céu 18. Mién khong bi gach chéo (ké ca duong thang d vad,)la mién nghiém cua hé bat phuwong trinh

nao?
y
x+y—1>0 x+y—1>0 —-1<0 —-1<0
A. Y= . B. yTi= . C. rry—is . D. *ry—is .
2x—y+4<0 2x—y+4>0 2x—y+4>0 2x—y+4<0
Loi gidi
Chon C
2 . 2 ) 04+0-1<0 .
Nhén xét: Diém O nam trong ni€ém nghiém cia h¢, ta cod nén hé can tim la
20-0+4>0
x+y—1<0
2x—y+4>0
3x-4y+12>0
Céu 19. Mién nghiém cua hé bat phuong trinh {x+y—-5>0 12 mién chtra diém nao trong cic diém
x+1>0
sau?
A M(1;-3). B. N(433).
c. P(-1;5). D. 0(-2;-3).
Loi gidi
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Chon B
3x—4y+12>0
Taco Jx+y—5>0 ,kiém tra dap an thdy N(4;3) thoa man.
x+1>0
2x+y—-6<0
Céu 20. Diém nao sau day thudc mién nghiém cua hé bat phuong trinh {x -3y +5>07?
x+1>0
A. M(0,7). B. N(L1). C. P(23). D. O(-12).
Loi giai
Chon B
2x+y—-6<0 -3<0
Thay diém N(1;1)vao h¢ {x-3y+5>0 tadugc {3>0 dung.
x+1>0 2>0
3x—4y+12>0
Céu 21. Piém nao trong cac diém sau thudc mién nghiém cua hé bat phuong trinh {x+y—-5>0  ?
x+1>0
A. O(-2-3). B. M(1-3). C. N(43). D. P(-15).

Loi giai
ChonC
Ta c6 toa do diém N (4;3) thay x=4;y=3 vao hé bat phuong trinh di cho thoa min nén diém

N (4; 3) thudc mién nghiém cua hé bat phwong trinh.

3x-4y+12>0
Céu 22. Mién nghiém cta hé bat phuong trinh: {x+y—5>0  1a mién chtra diém nao trong cc diém
x+1>0
sau?
AL M(1-3). B. N(43). C. P(-1;5). D. 0(-2-3).
Loi giai
Chon B

Xac dinh mién nghiém cua hé bat phuong trinh nhu hinh vé:
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Suy ra mién nghiém ctia hé bat phuong trinh 13 mién chira diém N(4;3).
Nhdn xét: Theo hudng tric nghiém ta thay toa do tung diém vao hé, néu toa d6 diém nao thoa
man ca 3 bat phwong trinh thi chon=> Chon B

Ciu 23. Piém O(0;0) khong thudc mién nghiém ciia hé bt phuong trinh nao dudi day?

N {x+3y—6<0. B, {x+3y20 .
2x+y+4>0 2x+y—-4<0
C {x+3y<0 . ~ {x+3y—6<0.
2x+y+4>0 2x+y+42>0
Loi giai
Chon C

Véi diém O 0; 0 , 1an luot thay x =0, y =0 vao ting hé bit phuong trinh di cho, ta dugc:

Phuong an A: { (thod man).
Phuong an B: { (thoé man).
Phuong an C: { (Khong thod man vi 0<0 Ia sai).

Phuong an B: (thoé man).
4>0
Do d6 chon
Céu 24. Hai duong thang d:x+2y+3=0va d': x+2y—3=0 chia mit phang toa do thanh 3 mién I, II,

III ¢ bo 14 2 dudng thing d va d' khong ké cac diém nam trén 2 dudng thing do:
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Xac dinh mién nghiém cia bat phuong trinh ‘x + Zy‘ <3.

A. Mién I va IIL B. Mién II. C.Mién L. D. Mién II1.
Loi giai
Chon B
x+2y<3 (1)

Xét bat phuong trinh: ‘x + Zy‘ <3<
x+2y>-3 (2)

Xac dinh mién nghiém cua BPT (1): x+2y <3

"I Lay 0(0;0)¢(d"). Thay toa do diém O va BPT (1) ta théy: 0+2.0 <3, diing
Suy ra: Piém O (0; O) thudc mién nghiém cua BPT (1)

Xac dinh mién nghiém cua BPT (2): x+2y>-3

"I Léy 0(0;0)¢(d). Thay toa d6 diém O va BPT (2) ta thiy: 0+2.0>-3, diing
Suy ra: Piém O (0; O) thudc mién nghiém cua BPT (2)

Vay mién nghiém cua BPT da cho 14 phan khong gach chéo trén hinh (Mién II).
é// I %

— 7
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x—y—-1<0
Cau 25. Goi (S ) 1a tap hop céc diém trong mit phang toa dd Oxy thoa man hé {x+4y+9>0 ( hinh
x—=2y+3>0

vE).

Tim toa do (x; y) trong mién (S ) sao cho biéu thitc T =3x—2y—4 co gia tri nho nhat.

A. (5:4). B. (--2). C. (-5:-1). D. (-25).
Loi giai

Chon C

Thay toa d¢ diém A(—5;—1) vao biéu thic T ta duge T=-15+2-4=-17.

Thay toa do diém B(—1;—2) vao biéu thic T taduge T=-3+4-4=-3.

Thay toa do diém C(5;4) vao biéu thie T ta duge T=15-8-4=3.

Vay chon phuong an C.
0<y<4
. . . x>0
Cau 26. Gia tri 16n nhat cua biéu thirc F(x;y) =x+2y, véi diéu kién r—y—1<0 :
x+2y—-10<0
A. 6. B. 12. C. 10. D. 8.
Loi giai
Chon C
0<y<4
. \ x20
Xét cac diem M (x; y) thoa man di€u kién
x—y-1<0
x+2y-10<0
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Khi 6 M (x;y) thudc mién ngii gide ABCDO .
Trong d6 A4(0;4);B(2;4);C(43);D(1;0);0(0;0)
Biéu thirc F(x;y)=x+2y dat dugc gia tri 16n nhit tai mot trong céc dinh cua ngii gidc do.

Thay toa d6 cta cac dinh vao biéu thirc F (x; y) =x+2y tacd:

F(0;4)=8
F(2;4)=10
F(4;3)=10
F(1,0)=1
F(0;0)=0
Vay biéu thitc F(x;y)=x+2y dat dugc gia trj 16n nhit bang 10, tai diém B hodc C.
x—-y+220
Céu 27. Cho céc gia tri x,y thoa man diéu kién {2x—y—1<0. Tim gia trj 16n nhat cua biéu thic
3x-y-2>0
T=3x+2y.
A. 19, B. 25. C.14. D. Khong ton tai.
Loi gii
7
%%/ 7
Chon B
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Mién nghiém cta hé di cho 1a mién trong tam gidc ABC (Ké ca dudong bién) trong dod A(l;l) ,
B(2;4),C(3;5).
Gi4 tri 16n nhét cia T =3x+2 y dat dugc tai cac dinh cua tam gidc ABC.
Do T,=T(L1)=3.142.1=5, T, =T(2;4)=3.2+24=14 va T, =T(3;5)=3.3+2.5=25 nén gié tri
16n nhét cta T=3x+2y la 25 dat dugc khi x=3 va y=5.
BAI TAP TU LUAN
Caul. Cho bét phuong trinh: 2x—y<0. Trong cac cdp s (-1;2), (2;0), (0;1), (3;-2),(-L-2),
cap nao la nghiém cua bat phuong trinh, cip ndo khong phai 1a nghiém cua bat phuong trinh?
Loi giai
Béng cach thu truc tiép, cac cdp (—l; 2) , (O; 1) la nghiém, cac cdp con lai khong phai 1a nghi¢m
ctia bat phuong trinh.
Ciu 2.  Biéu dién hinh hoc tap nghiém ciia bat phuong trinh x -2y >1?
Loi giai

, , 1
+ Puong thing d:x-2y =1 di qua hai diém 4(1;0) va B(O;—Ej.

+ x =y =0 khong phai la nghiém ctia bat phuong trinh.
+ Mién nghiém ciia bat phuong trinh 1a nira mit phang bo 14 dudng thang d : x—2y =1, khong
chta gdc toa 46 O, khong bao gdm dudng thang d (13 mién khong gach chéo trén hinh v&)

N\

Ciu 3.  X4c dinh mién nghiém cua cac bt phuong trinh sau
x—2y S 2x+y+1
2 3

a) 2x—y20. b)
Loi giai.
a) Trong mit phang toa do Oxy, v& dudng thing d :2x—y=0. Tacod d chia mit phing thanh
hai nira mit phang. Chon mét diém bat ki khong thuoc dudng thang do, chang han diém
M (1;0).
Ta thdy (1;0) 1a nghiém cua bat phuong trinh da cho. Vay mién nghiém cén tim la nira mt

phang chita by d va chtra diém M (1;0) (mién khong duoc t6 mau trén hinh vé).
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b) Tacod
x—22y > 2x+3y+1 <:>3(x—2y)—2(2x—y+1)>0 & —x-4y-2>0x+4y+2<0.

Trong mit phang toa d6 Oxy, v& dudng thang A:x+4y+2=0.

Tacd A chia mit phang thanh hai nira mit phang. Chon mot diém bat ki khong thudc dudng
thang d6, chang han diém 0(0;0).

Ta thiy (0;0) khong phai 1a nghiém cua bat phuong trinh da cho.

Vay mién nghiém can tim 13 nira mit phing bd A (Khong ké dudng thang A) va khong chua

diém 0(0;0) (mién khong duoc t6 mau trén hinh v&).

Cau 4. Tim cac nghi¢m (x; y) ctia bat phuong trinh §+% <1, trong d6 x,y la s6 nguyén duong.

o2

Loi giai

Cach 1: Do x>0, 2%31 nén ta co %<l<:>y<4.

Do y nguyén duong nén y €{1;2;3}.

+Véi y=1,tacod 0<§S§<:>0<xsg<:>xe{l;2}.
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+Véi y=2,taco O<§S%<:>O<x£%<:>x:l.

+Véi y=3,taco O<§S%<:>O<x£%<:>xe®.

Vay bat phuong trinh c6 cac nghiém nguyén duong 1a (1;1), (2;1) va (1;2).

Cach 2: Biéu dién mién nghiém cua bat phuong trinh 1€n h¢ truc toa do (la mién khong gach
chéo trén hinh v¢):

4
3
i @
1 ® @
A B
O 1 2
Es
Ttr biéu dién hinh hoc, ta thdy cac diém nguyén duong trong mién nghiém ctia bt phuong trinh

1a
A(1,1), B(2:1) va C(1;2)

. x .
CAu5.  Tim gid tri ctia tham s6 m sao cho { 1a nghiém cua bat phuong trinh mx+(m—1)y>2.

y=2
Loi giai
Ta c6 {x ) 1a nghiém cua béat phuong trinh mx+(m—1) y > 2 khi va chi khi
y=
—m+2(m—l)>2<:>m>4

Ciu 6.  Cho tam gidc ABC c6 A(1;2), B(-3;-1) va C(3;—4). Tim diéu kién cua tham s6 m dé diém

M (m,mT_SJ nam bén trong tam gidc ABC ?

Loi gidi
Cach 1:
. 2 x—1 y—2
Puong thang 4B : =——3x-4y+5=0.
-3-1 -1-2
x+3  y+l

Puong thang BC':

= &S x+2y+5=0.
343 —4+1

Gido vién c¢é nhu cdu sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwgc hé tre toi da . “Tranh mua cdc trang va cic cd nhin khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 114



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

x—_lzy—_2<:>3x+y—5=0.
3-1 —-4-2
Diéu kién can va du dé diém M nam bén trong tam giac ABC la diém M cung v6i mdi dinh

A, B, C lan luot cung phia voi nhau d6i v6i canh BC, CA, AB

Puong thang AC':

(1+4+5)(m+2m_5+5j>0
m>—1
= (—9—1—5)(3m+m_5—5j>0 eim<2 o-l<m<?
m>-=7
(9+16+5)(3m—4m_5+5j>0

Cach 2:

Do M(m,mT_s) nén Med:y=xT_5.

Ta théy, duong théng d citcanh AC , BC cuatam giac ABC lan luot tai D va E.
Dua vio do thi, ta thdy hoanh &6 D 1a x, =—1, hoanh d6 diém E 1a x, =2.

Diém M nam bén trong tam gidc ABC khi va chi khi diém M nam trén doan thang DE (trir
hai diém D, E ) khi va chi khi —1<m<2.

Ciu 7. XAc dinh mién nghiém cua cac hé bt phuong trinh sau

x+y>0
x+y-220
b) {2x-3y+6>0
x—=3y+3<0
x=2y+1>0
Loi gidi.

a) Trong mat phang toa 46 Oxy, v& cac duong thang d:x+y—-2=0 va d":x-3y+3=0.
Xét diém 0(0;0), ta thay (0;0) khong phdi la nghiém cta bat phuong trinh x+y—2>0 va
x—3y+3<0 do d6 mién nghiém can tim 14 phan mit phang khong duoc té mau trén hinh vé ca hai

duong thiang d va d'.
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d":x—2y+1=0.
Xétdiém 0(0;0), ta thay (0;0) 1a nghiém cta bat phuong trinh 2x—-3y+6>0 va x—2y+1>0. Do
d6 0(0;0) thudc mién nghiém ctia bat phuong trinh —2x-3y+6>0 va x—2y+1>0.

Xét diém M (1;0), ta thy (1;0) 1a nghiém cta bét phuong trinh x+ y >0 do d6 diém M (1;0) thudc
mién nghiém bat phuong trinh x+y > 0.

Viy mién nghiém can tim 14 phan mit phang khong duoc t6 mau trén hinh vé& ké ca dudng thang d” .

x—=2y>0

Cau 8.  Biéu dién hinh hoc tap nghiém cta hé bt phuong trinh .
x+3y<3

Loi giai
- V& cac duong thang d, :x—2y=0; d,:x+3y=3.
-Piém M (l; 0) c6 toa d6 thoa man tit ca cac bt phuong trinh trong hé nén ta t6 ddm cac nira mit phing

bo d,;d, khong chira diém M . Mién khong bi td dam (mién chira diém M ), khong tinh cac bo d,;d,
(hinh v&) 12 mién nghiém cua hé d cho.
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y ﬁ
d, -
d, 1
X
(¥ M 3 |
|
—x+2y<6
A L2 X 1 R o aix . x+y<4
Cau 9. Biéu dién hinh hoc tdp nghiém cta hé bat phuong trinh 50
X2
y=0

Loi giai
- V& cic dudng thang d, :—x+2y=6; d, :x+y=4;truc Oy:x=0;truc Ox:y=0.
-Piém M (l; 1) c6 toa d6 thoa man tat ca cac bt phuong trinh trong hé nén ta t6 dam cic nira mit phing
bo d,;d,;Ox;Oy khong chira diém M . Mién khong bi t6 ¢am 1a hinh tir giac O4BC ké ca bon canh
OA, AB,BC,CO trong hinh v¢€ duéi la mién nghi¢m cua h¢ bat phuong trinh da cho.

3x—y=>-1
Cau 10. Biéu dién hinh hoc tap nghiém ctia hé bt phuong trinh { 2x+ y <6 .

x+3y>3
Loi giai
- V& cac duong thang d, :3x—y=—1; d,:2x+y=6; d, :x+3y =3
-Piém M (l; 1) c6 toa d6 thoa man tat ca cac bt phuong trinh trong hé nén ta t6 ddm cac nira mit phing
bo d,;d,;d, khong chira diém M . Mién khong bi t6 dam 1a hinh tam gidc 4BC khong tinh canh AC

trong hinh v& dudi 1a mién nghiém cta hé bat phwong trinh di cho.
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3x—-y=>-1
Cau11. Cho cdp (x;y) 1a nghiém cta hé 2x+);/ <6 (*). Tim gia tri 16n nhit va nho nhit cua biéu
x+3y2>3
thue f(x;y)=2x-3y+1.
Loi giai

* Trudc hét ta biéu dién mién nghiém cua hé (*):
+ V& cac duong thang d, :3x—y=-1; d,:2x+y=6; d,:x+3y=3
+Diém M (1; 1) c6 toa d6 thoa man tit ca cac bt phuong trinh trong hé nén ta t6 ddm cac nira mit phing

bo d,;d,;d, khong chira diém M . Mién khong bj to ¢am 1a hinh tam gidc 4BC, tinh ca ba canh
AB,BC,CA trong hinh v& dudi 1a mién nghiém ctia hé bat phuong trinh da cho.

* Tim toa d6 cac diém A4, B,C':

Ix—y=-1 =0
+ A=d, Nd; nén toa dj cta no6 1a nghiém cua hé Y s
x+3y=3 y

3x—y=-1 [x=1
+ B=d, Nd, nén toa do cia n6 1a nghiém cua hé{ 7 <:>{
2x+y=6 y
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2x+y=6 =3
Y @{x Vay C(30).

+ C=d,Nd, nén toa do cua no 12 nghiém cua hé { 0
y =

x+3y=3

* Tinh gié tri clia £ (x;y)=2x—3y+1 tai tat ca cac dinh ciia tam gidc ABC:

(%)) A(0;1) B(L;4) C(3;0)

f(xy)=2x-3y+1 ) 9 7

Suy ra min f'(x;y) = f(1;4)=-9 va max f(x;y)=f(3;0)=7.
Cau 12. Trong mat phéng Oxy , cho t&r gidc ABCD c6 A(—2;O); B(0;3); C(3;2) va D(3;—2) (tham
khao hinh v&). Tim tat c4 cac gi tri clia m sao cho diém M (m;m+1) ndm trén hinh tir gidc

ABCD tinh ca bdn canh AB,BC,CD, DA .

° v
B

=Y

A

Loi giai

* Nhan thay hinh t&r giAc ABCD tinh ca 4 canh cta n6 13 mién nghiém cta hé bat phuong trinh gom 4 bét
phuong trinh c6 mién nghiém 13 ntra mét phang chtra diém O(O; O) va lan luot c6 cac bo 1a cac duong
AB,BC,CD va DA.
- Phuong trinh dudng thang 4B : —3x+2y = 6. Bat phuong trinh ¢4 mién nghiém 1a nira mat phang bo
AB (tinh ca bd AB) va chira diém O 13 -3x+2y<6.
- Phuong trinh dudng thang BC: x+3y =9 . Bat phuong trinh c6 mién nghiém 13 ntra mit phang bo BC
(tinh ca bd BC) va chtra diém O 1a x+3y<9.
- Phuong trinh duong thang CD: x = 3. Bt phuong trinh ¢6 mién nghiém 13 ntra mit phiang by CD (tinh
cabo CD)vachuadiém O la x<3.
- Phuong trinh dudng thang DA : 2x+5y = —4 . Bat phuong trinh ¢4 mién nghiém 1a nira mat phang bo
DA (tinh ca bd DA ) va chtra diém O 1a 2x+5y > —4.
Nhu vy hinh t& gidc ABCD tinh ca 4 canh ctia n6 1a mién nghiém cta hé bat phuong trinh

—3x+2y<6

x+3y<9

x<3

2x+5y=>-4

().
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* Diém M (m;m-+1) nam trén hinh t& gidc ABCD tinh ca bén canh cua né khi va chi khi (m;m+1) 1a

m=—4
—3m+2(m+1)£6
X L . |m+3(m+1)<9 ms- 9 3
mot nghiém cua hé (*) , tuc la = &S ——<m<—,
m<3 m<3 7 2
2m+5(m+1)2—4 | o 9
7

o oo 9 3

Vay cac gia tri m can tim la — <m< 5

Cau 13. Mot ho nong dan dy dinh trong dau va ca trén dién tich 8 ha. Néu trong dau thi cdn 20 cong va
thu 3 triéu déng trén dién tich mdi ha, néu tréng ca thi can 30 cong va thu 4 tri¢u déng trén dién
tich mdi ha. Hoi can tréng mdi loai cay trén vdi dién tich 1a bao nhiéu dé thu vé duoc nhiéu tién
nhét, biét rang tong sé cong khong qué 180.

Loi gidi
Goi dién tich dé tré)ng daula: x (ha); dién tich dé tréng cala: y (ha). (Pk: 0<x,y<8)
Tong s6 dién tich sir dung 1a: x+ y.

Téng s6 cong can sir dung 1a: 20x +30y

0<x<8 0<x<8
g . 0<y<8 0<y<8

Ta c6 hé bat phuong trinh : &
x+y<8 x+y<8

20x+30y <180 2x+3y <18
V& céc dudng thang (d,):x+y =8, (d,):2x+3y =18,(d,):x =8, (d,):» =8 ta dugc mién

nghiém cta hé bat phuong trinh 13 phan t6 ddm nhu hinh vé

B3 y

A4(0:6)=(d,) Oy, B(6:2)=(d,)"(d,)
C(8:0)=(d,) " Ox, D = 0(0;0)

S6 tién thu vé 1a: f (x; y) = 3x + 4y (triéu dong)

M(x?y) A B C D
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f(x,y)=3x+4y 24 26 24 0

Do d6 f(x;y) dat gid tri 1on nhét tai B(6;2).
Vay dé thu duoc nhiéu tién nhit thi can tréng 6 ha dau va 2 ha ca.
Céu 14. M0t gia dinh can it nhat 900 don vi protein va 400 don vi lipit trong thirc an mdi ngay. Mdi kg
thit bo chira 800 don vi protein va 200 don vi lipit. Mbi kg thit lon chtra 600 don vi protein va
400 don vi lipit. Biét rang mdi ngay gia dinh nay chi mua téi da 1.5kg thit bo va lkg thit lon,
gi4 tién 1kg thit bo 12 200 nghin dong, 1kg thit lon 1a 100 nghin déng. Hoi gia dinh d6 phai mua
bao nhiéu kg thit mdi loai dé s tién bo ra 1a it nhat.
Loi gidi
Goi s6 kg thit bo can mua 13 : x (kg); s6 kg thit lon can mua 1a : y (kg). Pk:
0<x<L5 0<y<].
Khi d6 sb don vi protein 13 :800x + 600y .
S6 don vi lipit 13 :200x + 400y .
0<x<15 0<x<L5
0<y<l1 0<y<l1
= .
800x + 600y >900 8x+6y>9
200x + 400y > 200 x+2y>2

Ta c6 hé bit phuong trinh:

V& cac duong thang: (d,):x =15, (d,):y=1, (d,):8x+6y=9,(d,):x+2y=2. Tadugc

mién nghiém cua hé bat phuong trinh 1 phan t6 dam trong hinh v&.

A2 )=ta)n (@),
B(L5:1) = (d,)~(d,),C(1,5:0,25) = (d,) ~(d, ) D(i;lj:(d3)m(d4).

Sotiénbora 1a: f(x;»)=200x+100y ( nghin dong ).

M(XU’) A B C D

f(x;y):200x+100y 175 400 325 190
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Do d6 f(x;y) dat gid tri nho nhét tai A@;IJ :

Vay de so tien bo ra nho nhat thi can mua gkg va lkg thit lon.

Cau 15. Nguoi ta dinh dung hai loai nguyén liéu dé chiét xuét it nhat 120 kg hoa chat A va 9 kg hoa
chat B. Tir mdi tan nguyén liéu loai I gia 4 triéu dong co thé chiét xuat dugc 20 kg chat A va
0,6 kg chat B. Tir mdi tn nguyén liéu loai IT gia 3 triéu dong co thé chiét xuat dugc 10 kg chét
A va 1,5 kg chat B. Hoi phai dung bao nhiéu tin nguyén liéu mdi loai dé chi phi mua nguyén
lidu 1a it nhét. Biét ring co s& cung cip nguyén liéu chi co thé cung cap khong qua 10 tan
nguyén liéu loai I va khong qua 9 tan nguyén liéu loai IL.

Loi giai
Goi sb tn nguyén liéu loai I can st dung 1 x (t4n) ; s6 tAn nguyén liéu loai II can sir dung 1a
¥ (tAn).
bk: 0<x<10, 0<y<9.
Khi d6 s6 kg chat A thu duoc la: 20x +10y
S6 kg chit B thu duoc 1a: 0,6x+1,5y.

0<x<10 0<x<10
0<y<9 0<y<9
20)ch10)}2120<:> 2x+y 212
0,6x+1,5y>9 2x+5y>30

Ta c6 hé bat phuong trinh:

V& cac duong thang (d,):x=10,(d,):y=9, (d,):2x+y=12,(d,):2x+5y =30

Ta c6 mién nghiém cta hé bat phuong trinh 13 phan t6 mau nhu hinh v& :

3
',,/
=

-20 -16 -10 ki 0 ] \ 15
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Chi phi mua nguyén li¢u cAn bo rala : f'(x;») =4x+3y (triéu dong ).

M(x;) A B C D

f(x,y)=4x+3y 33 67 46 28,5

: 1
Do d6 f(x;y) dat gia tri nho nhat tai D f%)

2 . . 14 2 1 5 4 . .
Vay dé chi phi nguyén li€u la it nhat ta can sir dung = = 3,75 tan nguyén li¢u loai I va
9 % N
5 =4,5 tan nguyén liu loai II.
Cau 16. Co6 ba nhom may A, B,C dung dé san xuét ra hai loai san phém I va IL. Bé san xuit mot don vi
san pham mdi loai phai 1an luot ding cac may thudc cac nhom khac nhau. S6 may trong mot

nhom va sO may cua tung nhom can thiét dé san xuat ra mot don vi san pham thugc moi loai
duogc cho trong bang sau:

< . <. S6 may trong tirng nhom dé san xuit ra mot don
Nhém S0 may trong moi vi sdn phim
nhom
Loail Loai II
A 10 2 2
B 4 0 2
C 12 2 4

Mot don vi san pham I 13i ba nghin dong, mot don vi san pham loai II 13i ndm nghin déng. Hay
lap phuong an dé viéc san xuat hai loai san pham trén c¢6 1ai cao nhat.

Loi gidi
Goi s6 san phém loai I cAn san xudt 13 x ; s6 san phém loai II cén san xut 1a y.bk: x,y=>0.
S6 may nhom A cin st dung 1a: 2x+2y .
S6 may nhom B can sir dung 1a: 2y .

S6 may nhom C can sir dung 1a: 2x+4y .

x>0

x=>0
y=>0

iz . 0<y<2
Ta c6 hé bat phuong trinh: {2x+2y <10 <

x+y<5
2y<4

x+2y<6
x+2y<6

V& cac dudng thang (d,):y=2, (d,):x+y=5,(d;):x+2y =6. Ta c6 mién nghiém cua bét

phuong trinh 13 phan t6 mau nhu hinh v& :
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2

(d) A0y = 4(0:2). (d))(d) = B(2:2). (dy) (d) = C(41)
(d,)nOx=D(50), E=0=(00)

Lai suat thu duoc 1 : f (x; y) = 3x+ 5y ( nghin dong).

M(x;y) A B C D E

f(x,y)=4x+3y 10 16 17 15 0

Do d6 f(x;y) dat gia tri 16n nhat tai C(4;1).

Vay phuong an san xuét 4 san pham loai I va 1 san pham loai II s& cho 13i cao nhét.

Gido vién c¢é nhu cdu sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwgc hé tre toi da . “Tranh mua cdc trang va cic cd nhin khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 124



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

1| 1A 56 BAC 1A VA B0 T

Trang chudng nay, ching ta sé hoc cich nhin bigt ham 6, suf bién thién va &6 thi cia ham s6 bic hai cing nhy
tim higu cac ing dung cia ham 53 dé gidl quydt mt i van d2 mong thut tign,

Nusc durge phun ra tif dai hoa sen & phd di b6 Nguyén Hug, Thanh phd HG Chi Minh
¢6 dang mit duimg parabol.

5
| Hoc ®ong chugng nay, ban co the

= Mhan bidt duge nhing mé hinh thuc té din dén khal nigm ham sd M6 ta duoc cac
khéi niém co ban vé ham s6 va cic dac trung hinh hoc cla d6 thi ham 58 dong bién,
ham 56 nghich bign,

- Thiét lap ducc bing gid tri va vé duoc d6 thi ham sa bac hai (parabel).

- Mhan bigt duge cac tinh chat coban coa parabel nhu dinh, trec d6i ximg. Nhan bidtva
giai thich duge cac tinh chat oda ham sa bac hai thong qua da thi,

- Win dung dugc nhing kign thidcvé ham sd, ham 58 bac hal va 46 thi vao gial quyét bal
toan thuyic tién,
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Bai 1. Ham so6 va do thi

Tk hod: Ham sd; Thp xbe dink; Tip gid tri; D6 thi him sé; Ham s6 Song bidn: Him s8 nghich bién.

» %
28 sl
BI05 0408 | T Nsm

B u|

_ Nhiiet 8 c6 méi lién hé gi véi thé gian?
wlaw b a|as & &

Ngudn: metan

1. Ham s&. Tap xdc dinh va tap gid tri clia hém sé

Bin tin dir bao thid tiet cho bist nhigt @6 %ng 1. Oubdo thastift ngay 01/5/2021 tai Thanh phd B i Minh

& miot o then diém tromg ngiy 01/5/2021 @ [1[+]7]0w [n]w][w[a]
t;ui'l'l’:hﬁ;ﬂlﬁHﬁChihnﬁr:hdi_dﬂmglﬂ e & |;m.11 m|:1I31 |19 a }.?I
la thiurth béng kém voi biew d6 bén Lo | [t Ml el st Ml
Sir dung bing hodic bigu 48, hiy: Dl kb mhidt @ ngiry 01/5/2011

5, 19 Thbih oh Hé Chi Mint

a) Viét tiip hop cie moe gid di co dir (e fen.

béo nhiét 45 g

b) Viét tip hop cae sa do rihiet d6 o 3

dur bao ;: _

¢) Cho biét ihiét 46 die blo tai Thanh T4 7 1'3 1:. q .-

pho Hé Chi Minh vao bie 7 gio sang s

ngay 01/5/2021. sl 1. Our bk i 1 gty (152021 1§ Thish s HE Ci Minh

Trong ﬂ? _nihiét A6 dir biao T tdt da iremg phu thude vao thod diém ( gid) M lign hié giia
hiwt B leomg nay (nludt 46 va thae gan) oo cae e nmig cda mdt hiun 50,

?}
Gid sirx va y L bai dai hegmg bign thign vi x nilédn gia t thode tap 50 D,
Nen v mdi gia tn x thude £, ta xie dnhdree mdt va chi mdt gia tn trong tmg v thide
tip hop 50 thue & thi ta co mot fdm so
Ta goi x 1a bidn 56 vi v i i 54 ciia ¥
Tap hop D duoc goi la tip xdc dinh cia ham 6.
Tap hop 7 gom tit ca céc gia to v (twong tmg voi ¥ thude D) goi la tip gid tri oia
him 56,
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Ta thurdmg dimg ki hidu f{x) dé chi gid trj y trong vmg voi x, nén hian so con dnoe viét
la y=fix)

Mt i so e the duoe cho bing bing (nhur Bang 1), bing bicu d6 (nhwr Hinh 1) hode bing
cong thire nhar & hoc o cap Tnng hoc co 50, ching han y= 2y = 3, y = <x*

Vidu 1
d) Vi sao co thé ndi bing dit lién chr bao thén tiét (Bang 1) bigu thi mot ham s67 Tim
tap xac dinh, tap gia i1l cda ham so nay.
b) Bicn d6 “Dir béo nhaét 3 ngay 01/5/2021 ta Thanh phé H6 Chi Minh™ (Hinh 1) ¢6
biéu thi ham s6 khong? Ta sao?
Crien
a) Tir bang dit liéu dir bao thoi tiet (Bang 1) trong ,@ ta thay 1mg v mai that diem
(gids) trong bing dzu 0 ot gid ) dip bao nhidt 4o duy nhat. Vi vay, bang nay (R
thy mot ham s6. Himso do cotap xac dinh D= {14, 7, 10: 13; 16; 19; 22} va ¢o
tipmatn I'= {27, 18, 29, 31, 32}
b) Twromg tr, bigu 46 “Dir bao nhiet 46 ngay 01/5/2021 tai Thinh pho Hé Chi Mink™
(Hinh 1) efing 1a mét him 50, t cling ¢6 thp xac &nh va tap gia t nhr trén ciu a
Chii y:
a) Kli mét him 56 duroe che bing aomg e ma khimg ohd r& tap xne dmh th toquy woa:
Tédp xie dinh ciia himne so v = 130 Ja tdp hop 68 ¢ ode so thire x sae cho bidu thire fx)
oo nghia
b) Mat ham s6 eo the dige cho ba ha hay nlugu eong thire, Ching han, %2t ham s0;
f drtivmx<|
Hoe) = = Vx>

nghialavaix < | thi fx)=-3x+ S, vaix > | th fx)=2x"

Vidu2

Tim tap xac dinh ena cac ham 50 saw

a)fix) = f5-x, by fx)= e E
Criii

a) Bicu thire fAxyeonghinklivachiklu 5 —x=0,trclaklnx <5
Vay tip xae dinh eda hium 0 ndy 18 D = (-, 5],

b) Bieu thire fx) co nghiia khi vi chi khi 2v— 6 = 0, e 14 khi x = 3,
Yay tap xac dinh ena hion 50 nay la D =R\[3).
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Mot thigt bi 45 ghi lai viin e v (métgidy) & thod didm ¢ (gidy) cda mdt vt chuyén dong

nhir trong bing saw
tighdy) 0.5 1 12 1.8 2,3
v (métigiay) 1.5 3 0 54 1.5

Vi sa0 bang nay bicn thi mot him 67 Thm tp e dinh ciia hinm 56 niy.

32 Tim tip xac dinh ciia cac ham s6 saw
A) fx) = f2x4 T,

x+4
b)fx) = ' =3x+2

() goe o mieng dat hinh chit nhat, ngud ta
Lim miéit bém hoa eo dang mét phiin tirhinh twon
vén ban kinh r (Hinth 2). Bén kinh bon hoa cé
kich tharae i 0.5 m den 3 m.

a) Viét cong thire eia ham o biéu thi dién tich
bén hoa theo ban kinh r v tim tp xie dnh
¢lia ham 80 nay

b) Ban kinh bon hoa bing bao nhaéu thi no co

@

dién tich la 0.5t m*? Hirth 2
2. D& thi ham s&
g Met ham Say -ﬁ.\-] cho hﬁl hiﬂEﬂlL
¥ 2 | 4 0 ! 2 3 3
ﬁx] 8 3 0 =] 0 3 g

a) Tim tip xac dinh D ciia him s0 trén.
b) Trong mit phiing 1oa 45 Oy, vE til ¢ cac dicgm oo 1o 4 (x, ¥) v x & D va v =f{x)
ﬁ Cho i 50 y = fix) co tip xac dinh D,
Trén it phitng toa 46 Gy, dé fef (C) ciia ham 50 1a tip hop tat ¢ cae didm Mix, )
vinx £ Dvay=fx)
Viy (€)= {M{x. £x) |x € D). i
Chii y:

Eném M{x,,. v, thnde do thi ham 56 v = fx)
khi vachiklix,, = Dvay,=Afx)
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Vidu3

&) Chis By 88 3= 1) %:J it il e

D=[-3; 5] ¢d do thi () nhw Hinh 4.

- Piem 44, 4)) cothnoe do thy (€7 khéng? &

Lay di2m 8 tuy v trén 40 thi (), Néu i =
nhén xét vé hoanh d5 cia didm B = : 5
b) Vé do th ham 50 v = fix) duoe cho bai Hinh 4
bang sau

x 1 2 3 4 3 (] 7
fix) 1 L |2 13| 5| 8|13
Cridi

a) Vi 4 & [-3; 5] nén diém 4 ¢ hodnh 46 bing 4 vi co hng 35 1'—% 4 =2 la diém
thube 4o thy (C)

Khi liy diém & tuy v trén da th () thi hoanh d6 x, efia didm nay thude tip xac dinh D,
nghiala—3<x, <35

b B thi cia ham so-gém 7 dicm nhir Hinh 3

Ly T ]
i S e i S e e =

{2

i
-

33 VE do thy ham so fix)=3x+ &
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3. Ham s6 déng bién, ham s6 nghich bién

Quan st db thi ham s6 v = flx) = ' 1éi so sanh flx,) vé flx)) (vdi x, < x,) trong timg
trinomg hop san

v & i \ R |
V=X i \ V=X
¥ ]
i
————— = fix) i %
5 §
- H LI ¢ 7 | [fS—
i ’ 3 .
: ’ . 1
: p——— ..lﬂ:-‘:} o |.~ I
i i ¥
k. g i
[ g7 b o
.I. : i"r - L : .I. =
I Q@ % o ¥, A, x

nx.x @ {-m0) bix, x. & (K +oo)

Hinh &
Broi v hiun 50 trén, khi x thng va tlmoe Khioang (—o;, 0), ta 111?.}- gt hevim &0 gam. Nguroe Jan,
klu x ting va thnde khoang (0; +w=), g1a tn ham soting.

Mt cach tong quat, ta cb;

Vi him s6 v = fx) xde dinh trén khofng (a. b). ta niéi:
o [T 30 dong bidn tiin khoang (. &) neu

Y, x; € (o, B Say=3 < Axy).
» Hiun 56 nghjch bién trén khodng (a, b) néu

Vx, x € (0B <x, =A%) = x).

Nhdn xét:

Khi him so diwg bién (Hing) trén khoang (a; ) thi do th etia no o6 dang d 18n hir tra1 sang
pliid. Ngwoe lai, kli him so nghieh bién (giam) trén khodng (a; b) thi a5 thi e 1o co

dang di xuong tir trai sang phar

Vidu4

et tinh dong bien, nghich bien ciia cac L,

ham 50 sau trén Hp xac dinh hode tén T

khoing dirgee chi dinh ' - \/}

2) y=3r-1; Y . == 7

b} v = x* trén khoang (—==; 0}, o BEBEEE BEE

¢) Ham s6 o do tha ninr Hinh 7 / - - ' '
Hinh 7
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Criii
a)} Net hium so v = flx) = 3x — | Ham 56 nay xac dinh trén B
Lay x,, x, la hai 50 tuy v sao cho x, < x,, ta cd;
<=3 <3 = -1 <31 =3 x5)< )
Viy lim 56 dong bién (ting) trén B
b) Xét him 56 v = #° trén khoang (—=; 0)
Lay x;, 7, tuy ¥ sa0 cho x; < x,, ta cb fix)) —Av) = 5 —x = (v, + x.)ix, —-x)
Do x < x,nén x,—x, < 0 va do x;, x, € (-0 0) nén x, + x,< 0. Tir diy suy ra
Az ) —Rx) = 0 hay fix) = Ax.)
Viay ham s0 nghich bizn (giam) trén khoang (-~ 0).
¢) Tirdo thi, ta thay ham so xie dinh wén [-3; 7]
—Tréen khoang (—3; -2), do thi co dang i 16n tir trid sang phai nén him 36 nay dong bién
trén khoang (—3; -2},
- Trén khoang (-2 5), do th o dang di saiong tir trin sang phén nén ham s6 nay nghich
bién trén khoang (-2 5).
— Trén khoang (5. 7). do thi co dang di 1én tir te sang pha nén hiim 50 nay -:lﬁllghién trén
khodng (5, 7)
Vidus
(iia dinh ban Som somg o tang ba, ba ngoa r:ua Som song t:rtang s thuoe eing mot
chung cir cao taug Son di bg hr nha minh xmmg ta.ng mot dé lay thur va dira 1én nha
ba ngoar Enra thir cho ba xong, Son quay vé nha mink.
Bt v = Ais) la ham 50 bicu tha khiodng cach fir vi tn ciia Son deén mit &t theo thad gLan !
tir ki ban Gy bat dau di cho den khi vé la nha minh (chon goc thet gian 1a e Son bat
ctiin i Ly thar),
(€ ) hay (€,) 1a 46 tle ciia ham so v= W7)? Ta san?

1l

Himh &

Cridi
Kl bat dau di tir tang ba xuong lang mot, S ngay cang gan mit dat nén khoang
cach tir vi td ciia Son dén mat dat giam din, hay ham so giam, viv 4o th phat co

dang di xucng.
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Khi i tr tang mot 1én tang sau A2 dua thr cho ba ngom, Son ngay cang xa mdt dit nén
kloang cach it vi tri cia Son den mit &t thng dan, hay hian s ting, vy do il phéi co
dang di 1én.
Khi di tirtang sin vé nhi mindy, ‘Emmgw cing gar nit dat nén khofng ca-:]n tir vy fri ena
Som dén mat dat giam dan. hay him s0 giam, vay do thi phii co dang di xuong.
Bo th (C.) co dang twong img nha mo ta o trén. Do do, (C,) la Ao thi ciia ham so
v = Jif) nay.

% a) Tim khodng dong bién v nghich bign cia ham 50 e0 46 thi sau

A

N\

= N N 't\;d ] o

=2

=y

Hinh
b et tinh dong bién, nghich bien ¢fia him 56 y= f{x) = 5¢" trén khodng (2, 3)

1. Tim tip xac dinh ciia cae ham so san

a) fix) =+/-5x+ 3, b fix) =2+ -
X
2. Tim tip xae dinh, tap gif tr cia b 56 6 A6 thi nbn Hinh 10,

[ o
{-d
&)

=1

'-|:“

Hinh 10

3. Tim cac khoing dong bien. nghich bisn ciia cac ham 50 sau

a) Ax)=—S5x+ 2, b) fx) =
4. V& o thy hium 50 fx) = |x|, bigt ring ham 50 nay con dirge vigt nhir san:
[x véax=z0
fx) = =
—Xx v x =l
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5. Tim tap xac dinh, tap ga ) va ve 46 thi hism 50:
|- l vinnx=10
Ax)=

(1 wvoix>(.

6. Mot hang taxa co bang ma nhir san

. Gid cude cac Gld cundie T
Taxi 4 cho 11 000 dong | 4500 dong L1 600 dang
Taxt 7 cho 11 000 dong 15500 dong 13600 dong

a) Xem so t1en di taxd la mot ham so phu thmde so lalomét & chuven, hiv viat cong thite cua
cac hivm 20 dira tren thong tin b bang gia & cho theo img yén can
i) Ham 6 fx) 42 tinh 56 tién hianh khach phai tea klu di chayén x km bing xe taxi 4 chd
i) Ham s0 gfx) dé tinh 56 tien kimh khédch phi trd ki di chiyén x ki biing xe taxi 7 chd

b) Meu can dat xe taxi chio 30 hanh Khach, nén it toan b6 xe 4 ¢hd hay xe 7 chio thi o6 loi hom?

S0 2 da tran qua mot hanky tranh thie vy va by een dor san ke di qua chaee hop den

T la l Tor il b
iy gy |

L e

DR gl A8 sl ra bén treng HOF DEMNT
Bac tho may da gian ma hop den cho mot 5o + bat kd nlar san:
who s On
Bani

MH | lu'lEl"'.'.:-'
| — m » e

Kl

Thl ra 38 X &8 biftn &8 asu khl 0 gqus !tﬁﬂ'ﬂﬂr Hrlll.bun‘l“ﬁEH.

Bén trong HOP BEN 14 midt doan el w trinh droe cai 4t sin. Ta xem doan churong tinh
nay nhur mot ham so A, Hay vigt bien thare eia fx) d2 mo & s beén dan 8 tae dong 1éna
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B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1: Tinh gia tri cia ham s6 tai mot diém, diém thudc do thi

1. Phwong phap
Thay truc tiép cac gia tri ctia bién sd x vao ham sd.
2. Cac vi du rén luyén ki nang

Cau 1: Diém nao sau day thudc dd thi ham s6 y= x—+1 ?
x(x—2)
A. M(2:1). B. N(-10). C. P(2,0). D. Q(O;%J.
Loi giai
Chon B
. _ox+l
bat f(x)= x(x=2)
-1+1
5: f(-1)=————==
Ta ¢ f( ) _1(_1_2) 0
Cau2: Toa dd giao diém cia duong thang y = x—1 va (P) y=x"-2x-11a
A. (L-1)5(3;2). B. (0;1);(3;2). C. (0;-1)3(3:2). D. (L-1);(-3:2).
Loi giai
Chon C
e \ \ A 2 2 2 |:X =0= y= -1
Ta c6 phuong trinh hoanh dg giao diem: x” -2x-1=x-1<x" -3x=0<
x=3=>y=2
Vay toa do giao diém 1a: (O;—l);(3;2)
Cau3: Cho (P) c6 phuong trinhy = x> —2x+4 . Tim diém ma parabol di qua.
A. 0(42). B. N(-3:1). C. P=(40). D. M(-319).

Loi giai
Chon D
Thir truc tiép thay toa d6 cia M (—3;19) thoa man phuong trinh parabol.

Cau4: Tim m dédo thi ham s y =4x+m—1 di qua diém A(1;2).

A.m=6. B.m=-1. C.m=-4. D.m=1.
Loi gidi
Chon B

Do thi ham sé y = 4x+m—1 di qua diém A(I;Z) suyra 2=4.1+m-1=>m=-1
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x> =2x khix>1

Cau5: Cho ham sb Y=:5-2x .Piém nao sau day thudc dd thi ham s6?
khi x <1

x—1
A. (4;—1). B. (—2;—3). C. (—1;3). D. (2;1).
Loi gidi
Chon B

. 5-2(=2 ‘ ,
Ta thiy 2—(1) =-3. Nén (—2;-3) thudc db thi ham s6 d cho.

3. Bai tap tric nghiém

£ x+1 .2 A AR L oo \ A 8 s A
Cau 1. Chohamso y = _l Tim toa do diém thudc do thi cua ham s6 va c6 tung do bang 2.
x —

A. (0:-2). B. G;_zj. C. (-2-2). D. (-1;-2).

Huwéng din giai
Chon B.

Goi M, (x,;—2) la diém thude d thi ham s6 ¢6 tung do bang —2.

Khi do: X+ 1 =2 x+1=2(1-x) ©3x, =1 o x, 1 :>M(l;—2j.
x,—1 3 3
A -2 \ A A AN 1 \ A x=2
Cau 2. biém nao sau day thudc do thi cia ham so y =
x(x—1)
A. M(0;-1). B. M (2;1). C. M (2;0). D. M (1;1).

Huéng din giai
Chon C.

Thir truc tiép thy toa do cia M (2;0) théa man phuong trinh ham sé.

2Ux-2-3 Khi x>2
Ciud.  Chohamsd f(x)=1 -1 PPES Tinh P=f(2)+ £(-2).
x*+2 khi x<2
7
A. P=3. B. P=2. C.P==. D. P=6.

Huwéng din giai

Chon A.
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24J2-2-3 N

Taco: f(2)+f(-2)= -

(-2) +2=P=3.

2x+1 khi x<£2

. di qua diém nao sau day:
-3 khi x>2

Caus5. DO thiciaham sd y = f(x) :{

A. (0;-3). B. (3;7). C. (2;-3). D. (0;1).
Huéng din giai

Chon D.

Thtr 1an luot tung phuong an A,B,C,D véichuy vé diéu kién ta dugc:

£(0)=2.0+1=1%-3, d thi khong di qua diém (0;-3).

f(3)=-3%7,d6 thi khong di qua diém (3;7).

f(2)=22+1=5%-3,d6 thi khong di qua diém (2;-3).

£(0)=2.0+1=1, dd thi khong di qua diém (0;1).

—2(x—3) khi -1<x<1

Céu 6.  Cho ham sb: f(x):{ .Gid tricua f(-1); f(1) lan lugt 1a
VX' -1 khi x>1

A.8va 0. B. 0 va 8. C.Ova0. D.8va4.
Huéng din giai
Chon A.
Taco: f(-1)=-2(-1-3)=8; f(1)=+1=1=0.
—2x+1 khi x<-3

Cau7. Chohamsd y= .Biét 7 (x )=5 thi x, 1a
g ’”2’7 khi x>y S () ‘

A 2. B. 3. C.0. D. 1.
Huéng din giai

Chon B.

THI. x, <-3:Véi f(x)=5 < 2x,+1=5cx,=-2 .

X, +7

TH2. x, >-3: Véi f(x,)=5 < =5<x,=3.
2“13 khi x>0
Cau8. Chohamsd f(x)= gl . Ta c6 két qua nao sau day dang?
J2+3x .
5 khi -2<x<0
x_
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A. f(—1):%;f(2):%. B. £(0)=2; f(-3)=+7.
11

- D /()=VRs(3)=0.

C. f(-1): khong x4c dinh; f(-3)=

Huwéng din giai

Chon A.
J2-3 1 22+3 7
—1: :—; 2: = —.
f( ) -1-2 3 /) 241 3
Dang 2: Tim tip xac dinh ciia ham s6
1. Phuwong phap

= Tim tdp xdc dinh D ciia ham s6 y = f(x) la tim tdt cd nhitng gid tri ciia bién sé x sao cho biéu
thuee f(x) co nghia:
D :{x € R|f(x) co nghfa}.

= Diéu kién xdc dinh ciia mot sé ham sé thwong gap:

1) Ham sé y=%.1{hi d6: D={xe RIA(x)xdc dinh va A(x)# 0}
X

2) Ham sé y=2XA(x),ke N".
Khidé: D= {x e R1A(x) xdc dinh va A(x) > 0}

A(x)
2k/B(x)

Khidé: D= {x e R1A(x),B(x) xdc dinh va B(X)>O}

keN".

3) Him sé y =

Chii y:
= Poéi khi ta sir dung phoi hop cdc diéu kién véi nhau.

A#0
B#0

" AB=0& {
» Néu y = f(x) cotap xac dinh la D.Khi d6: y= f(x) xacdinh tréntap X < X < D
y = f(x) xac dinh trén tap X < f(x) xac dinh véi moi x € X

2. Cac vi du rén luyén ki nang

Vidu1: Tim tip xac dinh cia ham s6 y=+/x—1

Huwéng din gii
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Ham sb y =+/x—1 xac dinh < x-1>0 < x>1.

Vi du 2: Tim tap x4c dinh ciia ham s& y =/1+2x +/6+x
Huwéng din giai

1+2x>0 x>—
=

1
E@xZ—
6+x2>0

Ham s d3 cho xac dinh khi {
x>-6

N |~

Vay tap xac dinh cua ham s61a D= |:—%;+ooj .

Jx

Vi du 3: Tap xac dinh ciia ham s6 y =

x—2
Huwéng din giai
. . o [x=20 x>0
Ham s0 xac dinh khi: & .
x=2#0 x#2

Vay tap xdc dinh ctia ham sb D =[0;+00)\{2}.
: . 1
Vidu4: Tim tdp xac dinh cia hams6 y = —3+\/x—1 .
x —
Huwéng din giai

A 1A ARia A . x=3#0
bicu kién dé ham so6 xac dinh: > S1<x#3.
x—12>

Vay tap xdc dinh ctia ham s6 da cho 1a D =[1;+)\{3}.
Vidu5: Timmdéhamsd y=(x—2)v3x—m—1 x4c dinh trén tap (1;+o0)?

Loi giai

bK: me;I:D:[m;Iﬁooj.

Dé ham s6 xéc dinh trén (1;+0) thi

(1;+oo)c[mT+l;+ooj<:>m;1£1<:>m+1§3:>m£2.

Vi du 6. Xac dinh tham s6 m dé ham sé y =+/3x—m xac dinh trén tap (1;+oo)

Huwdéng dan:

Tap xac dinh cua ham $6 D:{%&w} Do d6 ham sd xac dinh trén tap (1;+oo) khi va chi khi
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(1;+oo)cD= m;Jroo <:>12ﬂ©m£3
3 3

Vi du 7. Xac dinh tham sé m dé ham s y =+ x> —m xac dinh trén tap (—oo; —3]
Huéng din:
ham sb xac dinh khi va chi khi x> —m >0 < x> >m (1)

m<0 m>0

e o L B i

R khi m<0
Vay tap xac dinh ciaham so la D = (—00;—\/;} u[\/;; +OO) im0

Do d6 ham sb xac dinh trén tap (—oo;—3] khi va chi khi

<
m<0 {mso m<9.

-0;-3 |c D < = ==
( > }C {_33_\/Z 0<m<9
3. Bai tap tric nghiém

. : 1
Caul.  Timtép xac dinh D ciiahamso f(x)=+x+1+—.
x

A. D=R\{0}. B. D=R\{-1;0}.  C. D=[-L+0)\{0}. D. D=[-1;+c).

Huwéng din giai

Chon C.
S x+12>0 x>-1

biéu kién xac dinh: = . Vay tap xéc dinh: D:[—l; +oo)\{0}.
x#0 x#0
1

, — x<0 ) ,
Cau 2. Cho hamso: y=< x-—1 . Tap xac dinh ctia ham s0 1a tdp hop nao sau day?
Vx+2 x>0
A. [-2+). B.R.
C. R\{1}. D. {xeR\x#lvax>-2}.

Hwéng din gii

Chon B.

Vo1 x<0 taco: y:—1 xac dinh v6i moi x #1 nén xac dinh véi moi x<0.
x_

Vo6i x>0 tacd: y=+/x+2 xé&c dinh v6i moi x > -2 nén xac dinh véi moi x>0.
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Vay tap xéac dinh cia ham s6la D=R.

Vx+1 i
x-3

Cau 3. Tap xéc dinh ctia ham s y =

A. (3;+). B. [1;+). C.[-1;3)u(3;+). D. R\{3}.
Huwéng din giai
Chon C.

Vx+1
x-3

Hamso y =

. . x+12>20 x>-1
biéu kién xac dinh: .

=
x=3#0 x#3

Viy tap xac dinh ctia ham s6 D = [-1;3)U(3;+).

Cau 4. Tap xac dinh ciia ham s6 y = f—x la
x" —4x
A. R\{O;2;4}. B. R\[O;4]. C. R\(O;4). D. R\{O;4}.

Hwéng din gii

Chon D.

. #0
Ham so0 xac dinh <:>x2—4x;t0<:>{x 4.V€1y D =R\{0;4}.
X #

Cau5.  Timtap xdc dinh D ctia ham s6 f (x)=+x+1 +l.

A. D=R\{0}. B. D=[l;+).
C. D=R\{-1;0}. D. D=[-1+)\{0}.

Hwéng din gii
Chon D.

x+1>0

biéu kién:
x=0

Viy tap xac dinh ciia ham s6 1a D =[-1;+)\{0}.

Céu 6. Tim tap xac dinh ciia ham s6 y =v4x* —4x+1.
1 1
A. 5;+oo . B. | —o0;—|. C.R. D. J.

Hwéng din gii
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Chon C.
Piéu kién xdc dinh: 4x* —4x+1>0 < (2x—1)" 20 .

Do d6 tap xdc dinh D=R.

la

Chu7.  Tap xéc dinh cia ham s6 f(x)=+3-x+ \/1_1
—
A. D=(1; 3]. B. D =(—0;1)U[3;+m).
C. D=[1;3]. D.D =0.
Huwéng din gii

Chon A.

, . 13—=x20 x<3
Ham s6 xac dinh khi = < 1<x<L3.
x=1>0 x>1

Vay tap x4c dinh ciia ham s 1a D =(1; 3].

M,

V7—2x'

C. —l;—Z . D. —l;Z
5 2 52

Huwéng din giai

Cau8.  Tép hop nao sau day 1 tap x4c dinh cia ham s6 y =+/1+5x +

A. l;—Z . B. —l;Z .
5 2 52

Chon D.
S 1
. .. o _{1+5x20 = 5 1
Ham so xac dinh khi va chi khi = &S ——<x<—
T7-2x>0 7 5
xX<—
2
2
Cu9.  Tipxc dinh ciahamsé y=—2 > I3
x —6x+8
A. (3:8)\{4). B. [-3:3]\{2}. C. (-3:3)\{2). D. (~o0:3)\{2}.

Huwéng din giai
Chon B.

Ta co 9—x220<:>(3—x)(3+x)20<:>—3£x$3.

Ham s0 xac dinh khi va chi khi
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) —-3<x<3
9-x"20 -3<x<3 _
{ Sixz4 @{ . Vay xe[-3;3]\{2}.

X’ —6x+8%#0 x#2
xX#2

v-3x+8+x khi x<2

Chu 10.  T4p xéc dinh cia ham s6 y = f(x) ={ la

Jx+7+1  khi x>2
A.R. B. R\{2}. C. (—oo;—] D. [-7;+0).
Huwéng din giai
Chon A.
Ta co:
«Khi x<2: y=f(x)=v-3x+8+x xdc dinh khi —3x+8>0 @xﬁg.
Suy ra D, =(—0;2).
«Khi x>2: y=f(x)=vx+7+1 xac dinh khi x+7>0 < x>-7.
Suy ra D, =[2;+).

Vay TXD cta ham s0 1a D =D, U D, =(—o0;+0)=R.

Cau 11.  Tim tap xac dinh ciia ham s y = /x> —4x + —%.
x—
A. (=o51]U(3340).  B. (—031)U(3;+2). C. (3;+x). D. (1,3).
Huwéng din giai

Chon A.

Ham sé y =+/x* —4x+3 —%xéc dinh
x_

< x<1 hoac x>3.

X’ —4x+3>0 x<lvx=23
= =
x—3%#0 x#3

V3-x++x+1 1

X’ =5x+6

A. [-1;3)\{2} . B. [-1;2]. C. [-13]. D. (23).

Céiu 12. Tap xac dinh cia ham sé y =

Hwéng din gii

Chon A.
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Cau 13.

Cau 14.

WEB: TOANTHAYCU.COM

3—-x2>0
. \3-— \ 1 —-1<x<3
Ham so y = 32x+ i c6 nghiakhi {x+1>0 & g < xe[-1;3)\{2}.
x =5x+6 xX#2;x#3

X =5x+6%0

Tim tip xac dinh ctia ham s y =v2x> —5x+2.

A. (—oo;ﬂ U[2;+ ). B.[2;+). C. [—oo;ﬂ .

Hwéng din gii

Chon A.

1
, S_

Ham s6 xéc dinh <> 2x* —5x+2>0 | "~ 2.
x>2

\/x—2m+3Jr 3x-1
xX—m N=x+m+5

Tim m déhamsb y= xac dinh trén khoang (0;1).

A. me{l;%] B. me[—3;0].

C. me[-3:0]uf01]. D. m e[—4;0]u[l;%]

Huwéng din giai
Chon D.

\/x—2m+3+ 3x-1
xX—m J-x+m+5

*Goi D 1a tap xéc dinh cua ham ) y=

x—2m+3>0 x>2m-3
*xeDe x—m#0 SIxFEm
—x+m+5>0 x<m+5
*Ham sd y = x—2m+3+ Sx—1 xac dinh trén khoang (0;1)
xX—m J-x+m+5
2m-3<0 |M=3

< (6l)cD o im+521 < m2—4<:>me[—4;0]u[l;%]
me(O;l) m>1
m<0

Dang 3: Tinh ddng bién, nghich bién ciia ham so

1. Phwong phap
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Cho ham s6 f xac dinh trén K .
* = f{x) dong bién trén K < VX, %, € K:xp <x, = f(x) < f(xy)
» y ={{x) nghich bién trén K < Vx;,x, € Kixy <xy, = f(x))> f(x,)
Tir 46, ta c6 hai cach dé xét tinh dong bién nghich bién:
Cach 1: Vx|, x, € K :x, <x,. Xéthidusd A= f(x,)— f(x)
- Néu A>0 thi ham s6 dong bién
- Néu A <0 thi ham sé nghich bién

f(xz)_f(xl)

X =X

Céch 2: Vx|, x, € K :x, #x,. Xéttisd A=

- Néu A>0 thi ham s6 dong bién
- Néu A <0 thi ham sé nghich bién
2. Cac vi du rén luyén ki nang
Vi du 1. Khao sat sy bién thién ctia ham sb sau
a)y= x? —4x+6 trén mdi khoang (—00;2);(2 +oo)
b)y=—x>—6x+5 trén mdi khodng (—oo;—3);(—3;+oo)
Huéng din

a) Véi X; # X,, ta co:

A= f(xz)_f(xl)
Xy =%

Do dé:

>VX,,X, e(—oo;2),x1 EXy =X <2,x, <22 x,-2<0,x,-2<0=>A<0

Vay, ham s6 nghich bién trén (—oo;2)

=X, +X; —4=(x2—2)+(x1—2)

>VX|,X, e(2;+oo),xl EFXy X >2x,>2=x,-2>0,x,-2>0=>A>0
Vay, ham s& dong bi€n trén (2;+oo).

Vi du 2. Khdo sat sy bién thién cua ham s6 sau

a)y :i1 trén mdi khodng (—oo;l);(l;+oo)

b)y= 2);114 trén mdi khodng (—oo;—2);(—2;+oo)

Huwéng din

WEB: TOANTHAYCU.COM
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a) VOi x| # x,, ta co:
W) fa) 3
Xy =X, (xl —1)(x2 —l)
Do d6:
BVx;, X, (-0 1),x) = x, = xy <Lixy <1=>x —1< 0,5, - 1< 0= A<0

Vay, ham s6 nghich bi€n trén (—oo;1)
bel,xz e(l;+oo),xl Xy =X >l;x2 >1:>xl —1>O,x2 -1>0=A<0
Vay, ham s6 nghich bién trén (1;+oo).

Vi du 3. Khdo sat sy bién thié€n va 1ap bang bién thién ctia ham s6 sau

a)y=3x+3; by =—

Jx-1

Huwéng din
a)Téap xac dinh:D=R
Vxxy € Rixy <xy = Yx; <3fx, = Y +3<3x, 432 ) < f(xy)
Vay, ham s& dong bié€n trén R.
b) Tap xdc dinh: D=[ 0;+%0)\(1}

Vxl,x2 €D, x| # x,, taco:

:f(xz)_f(xl) _

)

BYx;x, €[051),x, 22, 502 <10 x, <12 \Jx; ~1<0,\x, ~1<0=A<0
Vay, ham s6 nghich bié€n trén [O;l)

5 VX, 2, € (Loo),x, 23, =0y > Lx, > 1= \x —150,4/x, 1> 0= A<0
Vay, ham s6 nghich bi€n trén (1;+0).

A

Vi du 4: Tim a @ ham s6 f(x)=ax—+1-a dong bién trén R
Huwéng din gii

. ; . >0
Ham s f (x)=ax—/1—a déng bién trén R khi va chi khi {f L e 0<as
—az

3. Bai tap tric nghiém

Cau 1: Ham s0 nao sau day dong bién trén tdp xac dinh ctia nd?

A, y=3-x. B. y=3x+1.

C. y=4. D. y=x"-2x+3.
Loi giai

Chon B
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y=3x+1 c6 a=3>0 ham s6 dong bién trén TXD.

Céu 2: Xét sy bién thién ctia ham s6 f'(x)= 3 trén khoang (0;+00). Khing dinh nao sau ddy ding?
X

A. Ham s6 nghich bién trén khoang (0;+00).

B. Ham s6 vira dong bién, vira nghich bién trén khoang (0;+0).

C. Ham s dong bién trén khodng (0;+0).

D. Ham s6 khong dong bién, khong nghich bién trén khoang (O; +oo) .
Loi gidi

Chon A

Vxp, %, €(0;+00) 1x, # x,

f(xz)_f(x1)=i—i=_3(x2_xl):>f(xz)_f(xl):_ 3 <0

Xy X XX Xy =X XX

Vay ham s6 nghich bién trén khoang (O; +oo) .
Céu 3: Trong cac ham sb sau, ham s6 nao nghich bién trén R ?

A y=x. B. y=-2x. C.y=2x. D.y=—x

Loi giai
Chon B
Ham sé y =ax+b voi a#0 nghich bién trén R khi va chi khi a <0.
Céu 4. Chon khang dinh dang ?
A.Ham s6 y= f(x) dugc goi 1a nghich bién trén K néu Vx;x, € K, x, <x, = f(x,) < f(x,).
B.Ham s6 y = f(x) dugc goi la dong bién trén K néu Vx;x, € K, x, <x, = f(x,) < f(x,).
C.Ham sd y = f(x) duogc goi la dong bién trén K néu Vx;x, € K, x, <x, = f(x,) > f(x,).
D.Ham sd y = f(x) duoc goi la dong bién trén K néu Vx;x, € K, x, <x, = f(x,) < f(x,).
Loi giai
Chon D
Li thuyét dinh nghia ham sé dong bién, nghich bién
Chu 5. Tim m déhamsd y=(2m—1)x+7 dong bién trén R.

A.m>%. B.mzl. C.m=

l. D. meR.
2 2
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Cau 6.

Cau 7.

Cau 8.

WEB: TOANTHAYCU.COM
Loi gidi
Chon A
ham sb y :(2m—1)x+7 dong bién trén R khi 2m—1>0.
Tim tt ca cdc gié tri clia tham s6 m dé ham s6 y =(2m+3)x+m+3 nghich bién trén R.

A.mS—i. B.mz—i. C.m>—i. D.m<—§.
2 2 2 2

Loi giai
Chon D

Ham s6 y= (2m +3)x+ m+3 c6 dang ham s6 bac nhat.
Pé ham sé nghich bién trén R < 2m+3<0 & m< —%.

Tong tit ca cac gia tri nguyén duong ciia tham s6 m dé ham sd y=-2x" +(m + l)x +3
nghich bién trén khoang (1;5) 1a

A. 6. B. 3. C. 1 D. 15.
Loi gidi

Chon A
\ £ 2 . e n ., m+1
Ham s6 y=-2x +(m+1)x+3 nghich bién trén khoang 4 ;400 |,

Dé ham s6 y=-2x"+(m+1)x+3 nghich bién trén khoang (1;5) thi ta phdi c6

(I;S)C(mTH;+ooj <:>mT+1£1<:>mS3.

Cac gié tri nguyén duong cua tham s6 m dé ham s6 y=-2x*+(m+1)x+3 nghich bién trén
khoang (1;5) 1a m=1,m=2,m=3.

Tong tt ca cdc gia tri nguyén duong clia tham s6 m dé ham s6 y =—2x +(m+1)x+3 nghich

bién trén khoang (1;5) 1a S=1+2+3=6.

Cho ham sb y = (m +2)x+ V2 —m . C6 bao nhiéu gia tri nguyén ciia m dé ham sé dong bién

trén R ?

A. 2. B. 3. C. 4. D. 5.
Huwéng din giai

Chon C.
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m+2>0

Ham sé c¢6 dang y=ax+b, nén dé ham sb dong bién trén R khi va chi khi {2 0
—mz

m>—
<:>{ 5 . Méat khac do m e Z nén m e{—l; 0; 1; 2} . Vay c6 4 gia tri nguyén cua m .

m<
o 2 : X +m+2 .
Cau 9.  Tim céac gia tri thyc ciia tham so6 m dé ham s6 y = XTMTL yac dinh trén (—1;2) )
xX—m

m<—1 m<—1 m< -1
A. . B. . C. . D.-1<m<?2.

m2=2 m22 m>2

Hwéng din gii
Chon B.
Ham s y =2 ‘4 dinh khi xm.
x—m
x+m+2 m<—1

Déham s y = xéc dinh trén (—1;2) khi va chi khi [

xX—m m=2

Dang 4: Dura vio dd thi tim cac khoing dong bién, nghich bién

1. Phwong phap

2. Cac vi du rén luyén ki nang

Caul: Cho ham sé y = f(x)co tap xac dinh [-3;3]va db thi cia no dugce biéu dién nhu hinh dudi
day

Khing dinh nao sau day ding ?

A. Ham sd nghich bién trén (—1;()) . B. Ham sb dong bién trén (—3;— 1) va (1; 4) )

C. Ham s6 dong bién trén (—3; 3) . D. Ham s6 dong bién trén (—3;— 1) va (1; 3).
Léi gidi

Chon D

Ham sb dong bién c6 @6 thi di 1én va ham sb nghich bién c6 do thi di xudng (tinh tir trai sang
phai).

CAu?2: Hamsb yv=f (x) ¢ d6 thi nhu hinh v& bén chi déng bién trén tap
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Cau 4:

WEB: TOANTHAYCU.COM
A
¥

1.5

A. (=0i-1). B. (I;+<0).
C. (—o0;—1) va (I;40). D. (—o0;—1] va [1;+0).
Loi giai
Chon C
Duya vao db thi ham s y = f (x) trén ta thiy ham s6 dong bién trén (—oo;—l) va (1; +oo)

Cho ham s y = f(x) ¢6 tap xac dinh 1a [-3;3], c6 b thi duoc biéu dién boi hinh v& dudi
day.

=y

—1

Khang dinh nao dudi ddy 1 khang dinh dang?

A. Db thi ham s6 di qua diém A(-3;1). B. D0 thi cét truc hoanh tai 3 diém phan biét.

C. Ham s6 nghich bién trén (—2;1) . D. Ham s dong bién trén (—3;—1) va (1;3) )
Loi gidi

Chon D

Cho hamsb y=f (x) co tap xac dinh [—3;3] va dd thi cua n6 dugc biéu dién nhu hinh dudi

day.
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[SUY]

X
Khing dinh nao sau day ding ?

A. Ham sd nghich bién trén (—1; 2) . B. Ham sb dong bién trén (—3;— 1) va (1; 4) .
C. Ham s6 dong bién trén (—3; 3) ) D. Ham s6 dong bién trén (—3;—1) va (1; 3).

Loi giai
Chon D
Ham sé dong bién c6 d6 thi di 1én va ham sé nghich bién c6 d6 thi di xudng (tinh tir trai sang
phai).
Cau5: C6 bao nhiéu gia tri nguyén coa tham sé M thudc doan [—3;3] dé ham s
f(x) :(m+1)x+m—2 dong bién trén
3. Bai tap tric nghiém

Caul:  Cho ham s6 c6 d6 thi nhu hinh bén dudi.

Khing dinh nao sau day 1a dung?
A. Ham s6 nghich bién trén khoang (0;3).
B. Ham s6 dong bién trén khoang (—oo;l).
C. Ham s6 nghich bién trén khoang (O; 2) .
D. Ham s dong bién trén khoang (—00;3) .

Loi giai

Chon C
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Cau 2.

Cau 3.

WEB: TOANTHAYCU.COM
Trén khoang (O; 2) , @ thi ham s di xudng tir trai sang phai nén ham sb nghich bién.
Cho ham s y = f(x) c6 tap xac dinh la [-3;3] va c6 d6 thi duge biéu dién béi hinh bén.

Khang dinh nao sau day la dang?

A.Ham s6 y = f(x)+2018 ddng bién trén cac khoang (-3;-1) va (1;3).

(x)
B.Ham s y= f(x)+2018 ddng bién trén cac khoang (—2;1) va (1;3).
C. Ham s y= f(x)+ 2018 nghich bién trén cac khoang (—2;—1) va (O;l) .
D. Ham s6 y = f(x) +2018 nghich bién trén khoang (—3; —2) .
Loi giai
Chon A
Goi (C):y=f(x).(C")y=f(x)+2018. Khi tinh tién d6 thi (C) theo phuong song song truc
tung 1én phia trén 2018 don vi thi dugc d thi (C ). Nén tinh ddng bién, nghich bién ctia ham

s6 y=f(x), y=f(x)+2018 trong timg khodng tuwong mg khong thay doi.
Dua vao d6 thi ta thz?iy:

Ham s y = f(x)+2018 ddong bién trén céc khoang (-3;-1) va (1;3) .
Ham sé y = f(x)+2018 dong bién trén cac khoang (-2;1) va (1;3) .

Ham sé y = f'(x)+2018 nghich bién trén cac khoang (-2;-1) va (0;1) .
Ham sé y = f(x)+2018 nghich bién trén khoang (-3;-2) .

Cho ham sb ¢6 dd thi nhu hinh bén dudi.
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Khang dinh nao sau déy 1a diing?
A. Ham s6 nghich bién trén khoang (0;3).
B. Ham s6 dong bién trén khoang (—o0;1).
C. Ham s nghich bién trén khoang (0;2).
D. Ham s dong bién trén khoang (—00;3) .
Loi giai
Chgn C
Trén khoang (0; 2) , @6 thi ham s6 di xubng tir trai sang phai nén ham sb nghich bién.

CAu 4. Cho ham s6 ¢6 d6 thi nhu hinh v&.

Chon dép an sai.

A. Ham s6 nghich bién trén khoang (—00;—1) )

B. Ham s dong bién trén khoang (1;+00) )

C. Ham sb nghich bién trén khoang (—1; l) )

D. Ham s6 dong bién trén khoang (—1;0) )
Loi giai

Chgn C
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Tir @6 thi ham s ta thay:

Ham s6 nghich bién trong cac khoang: (—oo;—l) va (0;1).
Ham s6 dong bién trong cac khoang: (—1;0) va (1; +00) )

Cau5. Hamso f(x) cotap xéc dinh R va c6 dd thi nhu hinh vé

4

Ménh dé nao sau day ding ?
A. D6 thi ham s6 cit truc hoanh theo mot day cung c6 d6 dai bang 2 .

B. Ham s6 dong bién trén khoang (0;5) .
C. Ham s6 nghich bién trén khodng (0;3) .

D. f(\/2019) < f(\/2017) .
Loi gidi
Chon A
Nhin vao dd thi ham s6 ta ¢6 :
Do thi ham s cét truc hoanh tai hai diém M (1;,0), N (3;0)= MN =2=> 4 ding.
Trén khoang (O; 2) d6 thi ham s di xudng nén ham s6 nghich bién trén khoang (0;2) va trén
khoang (2;5) d6 thi ham s6 di 1én nén ham s6 dong bién trén khoang (2;5)= Bsai.
Trén khoang (0;2) dd thi ham sé di xudng nén ham s6 nghich bién trén khodng (0;2) va trén

khoang (2;3) d6 thi ham s6 di 1én nén ham s6 ddng bién trén khoang (2;3)=C sai.
Ta c6 : v/2019,4/2017 €(2;+ %) va trén khodng (2;+0) ham s6 dong bién nén

V2019 >+/2017
£(§2019) > 7 (2017

D sai.
):>
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Bai 2. Ham so6 bac hai

Tirkhoe: Him 58 bic hai; Tip gld tri clia him s8 bic hai; Bién thién; Parabol; Binh; Truc 46 xing;

e — -

Quy dao parabol,
® y=ar y=ale—mix—1)
y=av'+ bx y=ale—hY +k
Y=o+ b+
Cie him 56 ndy co chung dic didm gi?

1. Ham sé bac hai
Khat trién bidu thire cia che ham so san va sip xép theo thir b luy thira cia x giam dan
{nen co the). Ham 50 nao co luy thira bic eao nhat ciia x 1a bic hai?
a) y=2x{x-3), b) y=x(x*+2) -5, e)y=-5(x+ 1){x—4)

® Ham sd bic hai theo bicn x 1a him 50 cho bt cong thire co dang y=fix)=ax + bx + ¢
vai a. b, ¢ 1a cic 50 thie va o khac 0

Tap xae dinh etia ham s6 bie hai la B
Vidu1
Him 50 mo trong céc ham 56 san div 1a Lam 6 bie hai?

A y=2"+x, bly=a+x+i . c)y= Irl;; dip==3r—1. e)y=4+5-2x

X4
Cidi
Ham 56 y = 2x° + 3 vi hanis6 y = <35 - 1 déu la ham 56 bic hai

”i y=+f3- 23 khing pliai 1a ham s bic hai.
X+

@1 Ham 56 nao trong cée ham sé duge cho & ﬁ I hium 56 bic hai?

s A | )

s s i
Cachamsoy=x +x+ 1, y=

2. D4 thi ham s& bac hai

JB o) Xetbam s

[= SR TIPS T |

y=faj=x"-8x+19={x—4)"+3 1 1l
co bang gia tn _,5,_"__
¥ 2 |3 |4 |5 |6
flx) 714 |3 |4 |7 ——— — .

oy

Trén mit phing toa dd, ta 6 cae didm (x, fx)) | | ]
ven x thude bing gi tri ¢ cho (Hinh 1) o Minh1

Hity v dutmg cong di qua céc diém 4, B, 5, C, D va néu nhin xét vé hinh dang ctia
diémg cong ity so vai do thi elta him s6 v =+* trén Hinh 1.
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b) Turemg tir, xét him s
y=plx) ==+ 8r—13=-x—4+3
co beng ga tn

x 2 |3 14 |51 6
g |1 [2 |3 |2 | 1

Trén méit pha.ng toa do. ta oo cac diem (v gix})
viat x thuge bang gt 34 cho (Hinh 2),

Hay v& duomg cong & qua cac diem 4, B, 8,
', D va néu nhiin xét vé hinh dang eia dirdmg
cong nay 50 vai do thi clia ham so v = - trén
Hinh 2,

Tir ﬁ., ta thiv hai dang co ban eia 46 thi ham s6 béc hai tmg vl hat trdmg hop a > 0

vaa< () =
/ L '
Méd cach tong quat, sau khi bien doi .1..'=m::' +hx+o="a ':—L—-b—] +l—-—'§-li_ volad 0
2ajl da,
vt A = b* — dac nguol ta chimg minh duoe rang trong mat phing toa 86 Oxy, 46 thi ham s6
/ A
bic hai y = ax’ + bx + ¢ 6 hinh dang 1i ot parabol ¥4 o6 dink S| _.;‘l..;‘:‘*_ |
Za £

* Trong mit phing ton 46 Oxv, &8 thi ham 30 Bde hal v = ax + bx + ¢ (véi a = 0) 1a
mot parabol {(7):

— Co dink 8 von hoanh do x, =—i,hmg ﬂﬁy_,f'—i'.
2a da

~ C6 fruc doi ximg 1a duong thing ¥ = = (¢hrimg thang nay & qua dinh S va song

somng v e Oh),

—Eé]ﬁmquayléntrhnéua'?ﬂ, qua}'mﬁng&u&i Fté:u‘-lﬂ',

— (7at true timg tai diem ed tung d6 bang e, hie la do thi & qua diem oo toa d5 (0, ).

(5 A"
Chd y: a) New b = 25" tha (P) co dinh Sl -b—'. -i|
.\ a a)

b) Néu phuong trinh av? + by + ¢ = 0 e6 hai nghiém ., x, thi do thy ham 50 bic ha
v=ax’ + bx + ¢ ciit true hoanh ta hai diém lan lwot ¢ hoanh d6 1a ha nghiém nay
{xem Hinh 3).
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vd | ] T |
g e
] V=g b by A
|
i
: x 1. -
i e : Akl 1
..:‘!._ -m:lf_ullr lﬁ:
| !
) ez == ) bye<0
Hink 3

Cach vE do thi ham 50 bic hai v = ax” + bx + ¢ (vl g = 0
f b A

1) Xae dinhi tog dp dimh 8§ ~—, - — !
\ 2a da |

%) V¥ tro A8 xibng o 14 datvrig piing o= T‘!'
: il
3) Tim tog do giao diém el 46 thi vor true tung (digm A0 ) va giao dicm eia 4o th
vér true hodnh (néu e,
Nae dinh them didm 851 xamg vor 4 qua tre A6 simg 4 1a &idm B| = |
: : =

4) Vé parabol co dinth 8, ¢6 e doi ximg & & qia eac difm tim dige

Vidu2
VE do thi cac him so
a) v = fix) e by v = fx) 22
Crie v i
a) Trong mat phing toa dd Oy, 46 thi ham 56 l
bac hai v = Ax) = —* + 4x — 3 1 mdt parabol (P): § —
~Co dinh § van hoanh déx, =2, tang do v, = 1, = - 5 o uj 3

— (6 true doi ximg 1a dwomg thing + = 2 (dwong
thing nay di qua dinh S va song song vol e Ov),

— Bé Lém quay xuong dud via < 0, -3$(0, -3)

Cat true tung tar digm eo tung 46 bang -3, hirc la
d6 thi di qua digm co toa 48 (0, —3).
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Ngoai ra, plurong trinh —* + dv —3 =0 co L ngluem phan bidtx = [ vax, =3 nén o th
ham s6 elit true hodnh tai had didgm eo toa 46 (1, 0) va (3. 0)

Ta vé duoc do thy nhar Hinh 4.

) Trong mét phing toa 46 G, 46 thi hitn s6
bée hai v = fix) =+ + 2x+ 2 |2 mot parabol (P);
— Co dinh § von hoanh dox, =1, tung dd v, = 1.

- Co true Ao ximg 1a dromg thing x = -1 (drmg
thiing nay di qua dinh 5 va song song vol true Oy,
— Bé 16m quay ién trénvia > 0,

— it trye tung tai diEm ed hang 36 bing 2, tire 1
A6 thy i (jua digm eb toa 46 (0; 2)
Ta vé duge do thy nhar Hinh 5.

VE d0 thi him 56 y= " — 4 + 3 16i 50 sanh 40 thi fiim 56 nay vén d5 thi him 50 trong
Widu 2a. Nén nhin %21 ve hai do thi nay,

3. Sy bién thién cuo ham sé bac hai

‘@3 Tir do thi oia ham 56 b hai ohio & hai hinh sais, tim khoing dong bien va nghich bién

ciia ham 56 trong mai tirdmg hop,
)y ¥

L]
i A
.
b 2
JgA=——
:- It .'t_
L u *
i
i
i

'|.'-r.|'|:"+ fax ¢

o
&

>
L

aja-i
Hinh &

[ vao dn_ﬁ thi b 56 bie hai v=ax®+ by + ¢ (vii a = 0}, ta co bang tom tat vé s bien thién
et hin 50 nay nhir sau
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Ham 56 nghich bicn trén khodng [—-:u; ‘1'_"} Ham 56 dong bién trén khodng (-m, ;_‘*J
a a
e gl . : —h . L SO : -b
vadmghénh'mkhmng [1—,+m]. va nghich bien trén khoang [E_-F-M].
: 7] .
Bang bien thuén: Bang bien thién:
x| j +o0 ¥ | = i
2a la
o < —A
fix) \ A / Ax ///' da
dﬂ — T il
Chi y:

Tir bang bien thién cim ham s6 béc hai, la thiy:

~Khi a >0, hiu1|si:uhtgi&tiulﬁnhitbﬁngi tgl ¥= ;&- va hivm 36 o6 tip gia tn 1a
- i 7

: 4 2a
T—E .£1+m]
L da
— B . i . . W o1 _-ﬁ- A _-E’ ;. " i, N 1
—Khi =" 0, hin 26 dat pd tn 1o nbEt bdng '1—191.1-:2— v hiun =& od tap ia teg 1
a i
{ A
F=f—m——|
S
Vidu 3
Lip bing bién thién cia him s0 y = -+ &v - 3. Him 56 niy ¢6 gia tri lon nhat hay
gia trp nho nhat? Tim gia tn do,
Colui
" : y —h —i z
Binh 8 co toa da: x, _E_ 2.[_1}—3_ el 3=,

Hay §(2; 1)
Vi hium 50 bae hai 6 a=—1 < 0 nén ta ¢6 bing bign tdén sau;

X —a0 2 +an
Ax)
—n iy

Ham 56 dat gia try Jém nhat bing | khi x=2,

@3 Tiim khoang dong biﬁn, khoang nghjch bién ciia him so ¢ = 2¥° —6x + 11, Ham 50 nay
¢ the dat gia tr bang —1 khong? Tai sac?
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4. Ung dung clia hém s bac hai
Tam bay cao va tam bay xa

e Trong mon cau long, ki phat ca, ngucti chor can danh t5!1 qua

Kkhéd lirén sang phia sdn 461 phuong va khong duge dé cho can 1ol
ngoid bién

Trong mat phang toa 45 Oxy, chon dism ;{':u toa do (0; v,) la diém
xuat phat thi phuong tinh quy dao cua cau long klu ron khor mét
vol la

x* ;
Hinh 7 ey 11 A T e
' §

trong do

* g la gia toe trong treemg (tong duoe chon 1a 9.8 m/s"),

» ¢ 18 goe plit cau (so vor phuong ngang cim mat dat);

e v, la van toe ban din cia cin:

» v, la khoing cach tw vi to phat ean den mat dat

By 14 mdt hinmso bée hai nén gui dao chuyen dong oian cau Long 1a mdt parabol

v
o —
i i
i gy
= e 4 Iy + ¥
Yy A{)‘: PR i
|
-
(¥ ] ] i cham At x
Hinh 8

Nét truremg hop Ling gio, voi vim the ban diuva goc phit cau 38 bigt, ciu chuyen dong theo
qui dao parabol neén s&
~ Bt vi tri cao nhat tal dinh parabol, goi i tim bay eaa;
— R cham dit & vi i chch o dhimg phat can mot khoang, go la tom bay xa
Bai todn ung dung
Mot ngum dang tap chon cau long co Klnnnh hnrimg phat il v goc 30° (so vor mit dat)
a) Hiiv tinh khoang cach tir vi tri nguwdd navy dén vi tf ean roi cham dat (tam bay xa), bigt cau
ron it vod O 4o cao 0.7 m so vor mét dat va van toe ban dan clia ettt 1 B /s (b qua sire
can clia g1o va xem (quy dao cla cau luén ndm trong mat phing thang dimg)
b Giiir @nd thiet nhar can a) va ¢cho biet Khoang cach tir v i phat cau dén hwai 14 4 m. Lan
phat cdu nay co bt xem la hong khong? Tai sao?
(Thang tin bo sung

Mep trén ciia heen can lang cach mat dat 1,524 m;

— Giia toc trong tmremeg duge chon la 9.8 mis™)

Gido vién cé nhu ciu sé hivu tron bé file word Bai gidng Todn 9,10,11, 12 cé 16i gidi chi tiét vui long lién hé zalo Trin
Dinh Cu: 0834 332 133 dé dwoc hé tro t6i da . “Trdnh mua cic trang va cdc cd nhan khac”
Phu huynh va hoc sinh c6 nhu cau tham gia cdc ldp todn chit lwong Thay Cu-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé triee tiép qua SPT:0834 332 133
Page 159



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

Criad

a} Chon hé true toa d3 nhar Hinh @ {vi ti 101 eiia cau thude troe hoanh va vi tri catl 1ol mat
vt thude tae tung).

JII‘

T m &::-
A

o didm cham dat
Hinh 8

Vit g=9.8 ny's”, goe phiit esin =307, van 10c ban din v, =8 ny's, plurong trinh quif dao e e L

y= —4'—5'.1': +£.‘r—[l,'-' (v x = 0]
48 3
Vi i cau ron cham ddt la glao diem cia parabel va troc hoanh nén gia phuong trinh

49 , +f3

- E:' —“3—-_1-+ 0,7=0 taduge x = ~1,03 vax = 6,68

Gid tr1 nghiéin duomg cho ta khodng caeh v tn ngwe chen canlong dénvi t can ren cham
dit 1a 6,68 m.

b K céiu bay toi vi tr hrdi phidncacly, nenno & bén trémnmar bt va didm roi khong ra khoi
diimg bién phia bén sin A6 phaong i lan pliat can mot dwoe xem 1a hop 18

Ta can so sanh tung 4 eia diém tén qui dao (cé hoanh 46 biing khoang cach tir gée toa
46 den chin ledn phin cach) vén chign cao mép trén cla leai 42 tim cin tra lin

.1.
_ﬂ-ﬂ-"!:"'-'" --------- " g “'-_"::IH' h -L"T‘l"
L4 m "‘-_ﬁ Ta S
"y s g
’ *
dm iliﬂ-ph.'luuch difem, istn g fém b ngnd| X
Hinh 10
. 49 4 3 o ;
Khix=4 tacoy= -E G -J?—- A+0,7= 138 Suymy <] 524

Whir viiy lan phét ean dii b hong vi digm trén qui dao cia i IlE"l]:l hon mep trén cim luo

@ Trong bai todn img dung, khi cho trén sin can 1ong don, cac lin phat cau vin thing tin
nhir sau 6 dirge xem 14 hop 18 khimg? (Cac thong tin khéng dwoe d& cdp thi van giir
nlur tromg gid thict bai todn trén),
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a) Viin toc xuit phit ciia can la 12 mis,
b) V1 tri phat cau cach mat dit 1.3 m.
Lame v Cac thing s0 vé sin cau 1éng don duge cho trong Hinh 11

BAI TAP

1. Ham s0 nao sau day 1 him so bae hw?

a)y="90x"+ Sx+ 4 byy=3x"+2x+ 1.
e y=—A(x+2) + AW HF )T 5 dyy=5c+ Jx +2
2. Tim dicu kién otia m 88 ham 50 v = fix) 1 him 30 bic hai,
A y=mx +(m+ 1 +x+3; b= (m — 2 + (m—1)x + 3

3. Lip bang bicn thién elia him 56 3=~ + 2x + 3, Ham 6 ndy oo gid tri Iom nhat hay gia tri nho
nhat? Tim ga tn do

4. Cho ham 36 bic hai y= fix) = ax" + by F e co A0 =1, A1) =2 A2) =5
a) Hay xac dinh gia tn et cac hé &0 a, bva e
b) Xae dinh tap ma n va khoang hien thign ctia ham so

5 Cho him 50 =2y +x+m. Hay xac dinh gia
et e A& ham 50 dat g3 tn nho nhat bing 3

6. VE d0 thi cac harm 50 sau
Ay=2x+4dx—1, byy=-—x"+2x+3;
¢} y=—%"+fix; dy=2x"-5

7. Hiw xac dinh dimg d6 thi cita mdi himn =6 sau
trén Hinh 12.
(P y=-2¢"—dx + 2,
(P y=34" -6+ 5,
(P)y=dy—8x+7,
Ehy= ~" —Gr— |

=l -
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-
-

8. Tim cdng thie ciia him 0 bic hai oo 35 thi nhar Hinh 13

Id e

9, Chide 4.1:;"!11 diy vang mdl nlup dirge Ilut‘*_r ke hai 1_.=-é|1
thanh cau cd dang parabol vi duoe co dinh bing
chc dity cp song song
Divra o bém vE & Hinh 14, hily tinh chidu din tong
comg clia cae diy cap doc & hat mit bén, Bigt

Dy clin nihat b 5wy, déiy ngdinnhat 1 0.8 m Klhoang
cach giff chc dav bing nhan

— MWlap can dan 30 m

— Cdn tinh thém 5% chiéu dia mbi so1 diy cap dé
neo co dinh,

Hinh 13
5 mtwﬂﬁm
: s 20 m
a) Hinh wé cauday vang bl Hinh chi€u ding cia ciu day ving
Hind T4
Ban co biét?
‘Quy luidt tu nhién va hinh dang parabol

Vit chuyén dong bér ném xén hay nem
ngang co quy dao la mot phin cia parabol,
Hién tugng nay quan st duoe kin nem
bong, nhay xa, trret tevét nhay trén khang,
vor s phun,

Trong kin 86, chuyen déng ron e do hode
chirvén ddng 1an trén miat phiding nghidng co
35 dii quing dueng tuin theo quy it mat
harn 56 bac hai theo thai gian £, mac dit quy
dao chuyven dong la duong thing, Nha vét
li hoe Galilsi, dong thin eling 14 mét nhise
st, di thuet ke bd dung ou do quing diang lan cia vit ndng trén mat phing nghisng sau
nhitng khoang thit gian ninr nhau 42 chimg minh k&t qua nay, Thin 45 chim oo thist b
phiit hop nén éng @ dimg nhimg chide chudng 2 phét ra m thanh cich dsu thi gian
oo kbt vign bi lan téi. Thit kho tin nhumg Galilei nhay bén vai am thanh vi 6ng nhiinm
quang duong lm khong nhu nhau do cac khoang thon gian ia déu phan
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i

:'r;,|||u-||||: i :;:ur.'lui nlibl

o | gy ) s i }

Klsoiang thim ginn thir hai
3 o v uiing duninece

L —

Folrinamgz I gran P ba _H'ﬁ'
o o cuilng, disomig

Hinf 16 Dung oy ‘mat phang nghiéng” do quiing Hirh 17, W& phéng mal phdng nghiéng Galile|
duérng o chuyén sau méi khodng thai gian déu
nhay cua Gallel tal Bao tang Gahleo, nuréee Y

Quy dao parabol
Bohi it vt tir vi il v, b néim saén 1én cao theo goc o (so vin phinmg ngang) vai vin 16e

ban dan v, thi phuong trinh qui dao ciéa vl nay la: _v':-—_g'x—+ tanfa) x+ ¥,

2.4 tos’ @
By 1 mot ham s0 bic hat nén qui dao chirveén dong 1a mét parabol,
ye S 1am hay can
5 4 tim by xa
Vo "
a :
J V.. E
0 -;'f A .1=

Hinh 18. Vat dugc nem tli vi tn O, vwoi goc mem o bay [én dén diem caonhat [& 5 va roi xudng digm A

Khoang cich SH duge goi 1 tam bay cao, eon khoang each G4 dwge got 14 tam bay xa.

Néu viln toc ban dau c6 46 lom khéng doi, thi gée ném o dnh hirimg dén tam bay cao vi
taim bay xa.

~ Trong the thao, vin déng vign mon némn lao, ném dia hay nhay xa, . co e ném gan
nlir ém dinhy Do vay, vidge digu chinh goe netn o chinh a ki thgt d2 dat mne tiéu xa nhat

— Binli climg Phio binh Viét Nam c6 cdu khiu luén “Chin dong, vai sit, dinh gioi, bin
trang ™ gan lién van K thisit didu chinh vin toe ban diu v, va goe a d2 dan phio tming
nmc ben.

(N hivtpesSovwn researchgate met)
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. . r » - ' - &
1. Tim tip xac dinheia cac ham 5o sar

B)y=4 -1,
1

b) ¥ =

} 3 T

g) ¥= 2—-~l-

2. Tim didu kién cia m dé mdi ham 86 sau
iy 14 mot hamn 50 bie ha
) y={1-3mp'+3;
By=0m-Dix-"7"
cly=2"+ 1)+ 1l -m
3. Vadd thi cae hiam 50 san:
b) y = " ~dx+5;
d)ye =21
4. Mt vin ddng vign chay xe dap trong 1 o
30 plit d&u ven van toe g binh li
42 ke San 36 ngudm ndy nghi -t chd

15 phut va tiép tue dap xe 2 gier hien vor

vin toc 30 kmh

a) Hay bicu thi quing duong ¢ (tinh bang
kalomét) ma ngudn nay i diroe sau ¢ plaot
g mdt hanm s6

b) V& d6 thi bidu difn ham s6 5 theo ¢

gly=x —dx+ 3,

C)y= ¥ x5

5. Bigt ring hém 0y = 2 + pev + 1 gidm trén
khoang (~o= 1), thng trén khodng (1 +o) va
eO tap ma tr 18 [9, +o2), Xae dinh gia tr cia
e Va1

6. Nhiyv bungee 14 mét o chet mao uém
Trong tro cho nay, ngird chon dimg I:H'l {iv]
trén cao, thiit diy an toan va nhiy xnong.,
Sol day nay c6 tinh dan hé va ihroe Hinh
toan chisu da d2 no keéo ngaa chot b kh
gﬁn cham dat (hode mit nudc)

("hige can trong Hinh 1 ¢6 b phin chong
45 dang parabol Mot nguén muan thie
hign mat en nhay bumges b giita can
xuong voi diy an todn Ngudi nay can
trang by sen iy an toan dan bao nliéu
mét? Bidt sing chicu dai cia soi day 36
béng mdt phin ba khoang cach tir vi tri
bt diu nhay dén mit moc,
Vitninhdy

Hirh 1

7. Gia sir mgt may bay cin trg dang bay theo
plorig ngang va bét dau 1l hang it dg
cao 81, loe dd may bay dang bay vin vin
too 50 m/'s. DE thimg himg i tro 1o dimg
v} tri diroe chion, may bay cin bit diu tha
himg tr v tnndo? Bigt ring néu chon goe
toa &6 1a hinh chiéu wén mit dit cia vi tri
hang cim trg bal dan duge tha, thi toa 3o
o Jiang cum tro diroe chio bin hé san

Trong 46, v, la van toc ban dan va & 1a 46
cao tinh tir khn hane roi may bay.

ey Chievén dong nay duoe xem i duryen
dang ném ngang.

-

T
o=
1748

Hinh 2

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

1. Phwong phap

Bang bién thién:
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a0
x| -x -b2a +E
T 40T
; \‘ /
-A Ma
a<(
x| -> -b/2a i
-Ada
y / \
i ..

Nhu vay:
. \ . <K A 5 b A < A A 5 b \ r
= Khi a>0 ham nghich bién trén khoang —oo;—z— , dong bién trén khoang 5. :400 | va co
a a
GTNN Id —2 khi x=—2
4a 2a
. \ A < K A 5 b . < A A 5 b B )
= Khi a<0 ham dong bién trén khoang —oo;—2— , nghich bién trén khoang 34 t+o0 | va cod
a a
GTLN1a =2 khi x=- 2
4a 2a

* Chu y: Néu dé bai yéu cau tim GTLN, GTNN cua ham s tré [c,d] = R thi ta phai xem truc d6i xtmg

b A N
x=-— c6 thudc doan [c,d | hay khong? Tir d6 phat thao ra bang bién thién va dwa vao bang bicn thién
a

dé tim GTLL,GTNN
2. Cac vi du rén luyén ki nang
Vi du 1: Tim gié tri 16n nhat M va gia tri nho nhat m ciahamsd y = f (x) =x" —3x trén doan [0;2].

Loi giai

Ham s6 y =x*—3x ¢6 a=1>0 nén bé 1dm hudng lén.

Hoanh d6 dinh x:—izée[0;2].
2a 2
m:minyzf(ij:—2
Vay 2 4

M :maxy:max{f(O),f(2)}:max{O,—2} =0

Vi du 2: Tim gi4 tri 16n nhat M va gia tri nho nhat m cia ham sé y= f (x) =—x"—4x+3 trén doan
[0;4].
Loi gidi
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Ham sé y=-x"—4x+3 c¢6 a=-1<0 nén bé Idm hudng xudng.

Hoanh d¢ dinh x = —23 =—2¢[0;4].
a

4)=-29
Tacéo 7(4) ——>m=miny=f(4)=-29; M =max y = f(0)=3.
/(0)=3
Vi du 3: Tim gia tri thuc ctia tham s6 m#0 d& ham sé y = mx* —2mx—3m—2 c6 gia tri nho nhét bang
—10 trén R.
Loi giai
Ta co xz—izz—mzl,suyra y=—4m-2.
2a  2m

Dé ham sb co gi tri nho nhat bang —10 khi va chi khi m >0

m>0
= Sm=2.
{—4m—2=—10

3. Bai tap tric nghiém

Cau 1. Bang bién thién nao dudi ddy 1a cia ham s6 y =—x* +2x+1:

X —0 1 —+00
400 \ / 400
Yy
A. 2
X | = +00
—+00
Yy
B. —00
X —00 1 +00
/ ? \
Yy
C —00 —00
X —00 +00
Yy
D. —0

Hwéng din gii

Chon C.
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Cau 2.

Cau 3.

WEB: TOANTHAYCU.COM
Xét ham sd y= —x*+2x+1¢6 a=-1<0, toa d6 dinh 1(1;2) do d6 ham sb trén tang trén

khoang (—o0;1) va giam trén khoang (1;+).
Truc dbi xtmg cua parabol y =—x” +5x+3 1a dudng thing c6 phuong trinh

A.xzé. B.x:—é. C.x:—é. D.xzé.
4 2 4 2

Hwéng din gii

Chon D.

Truc d6i xtng cta parabol y =ax” +bx +¢ 1a duong thang x = _Zi .
a

Truc d6i xtng cta parabol y =—x” +5x+3 1a duong thang x = % .

Cho ham s6 y = x* —2x+3. Chon ciu dung.
A. Ham s6 nghich bién trén khoang (1;+).
B. Ham s nghich bién trén khoang (—oo;1).
C. Ham sb ddng bién trén R .
D. Ham s6 dong bién trén khodng (—o0;1).
Huwéng din giai
Chon B.
Tacd a=1>0, b=-2, ¢ =3 nén ham sb co dinh 1a 1(1;2). Tu d6 suy ra ham ) nghich bién

trén khodng (—o0;1) va dong bién trén khoang (1;+).

Xét tinh dong bién, nghich bién cia ham s6 f(x)=x—4x+5 trén cdc khoang (-;2) va

(2;+ ). Khing dinh ndo sau day dung?

A. Ham s6 nghich bién trén (—0;2), dong bién trén (2;+ ).

B. Ham s nghich bién trén cac khodng (—o0;2) va (2;+).

C. Ham s6 dong bién trén (—o0;2) , nghich bién trén (2;+ ).

D. Ham s6 ddng bién trén céc khoang (—o0;2) va (2;+00).
Huwéng din giai

Chon A.

f(x):x2 —4x+5
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Cau 5.

Cau 6.

Cau 8.

Cau 9.

WEB: TOANTHAYCU.COM
TXD: D=R.

Toa do dinh 7(2;1).
Ham s6 nghich bién trén (—o0;2), ddng bién trén (2;+).
Tim gia tri nho nhét ciia ham s6 y = x> —4x +1.
A. -3. B. 1. C.3. D. 13.
Huwéng din giai
Chon A.
y=x'—dx+1=(x-2) -3>-3.
Déu "=" x4y ra khi va chi khi x=2.

Vay ham sb d3 cho dat gia tri nho nhat1a —3 tai x=2.

Gi4 tri 16n nhét cia ham sé f(x)=———— ban
) f() x> —=5x+9 8
A Y B U c.t p. 2.
8 4 11 11
Huwéng din giai
Chon C.
2
Taco x* —5x+9= x—éj +EZE:>2#S£:§
2 4 x*-5x+9 11 11
4
2 8
2 a0 1T F=5
x*=5x+9 11 2
Vay gi4 tri 16n nhit cia ham sb f(x):# bang 3
x*=5x+9 11

Ham s y =x* —4x+3 ddng bién trén khoang nao?

A. (L,3). B. (—0;2). C. (—o0;+0). D. (2;+).
Hwéng din gii

Chon D.

Truc d6i xtmg x=2.Tacé a=1>0 nén ham sb nghich bién trén khoang (—0;2) va dong

bién trén khodng (2;+).

Cho parabol (P) c6 phuong trinh y =3x* —2x+4. Tim truc déi xtmg cta parabol
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A.x=—z. B.x:—l. C.xzz. D.le.
3 3 3 3
Hwéng din gii
Chon D.
+Coa=3;b=-2; c=4.

+ Truc d6i xtmg cua parabol 1 x = ;—b = l
a

Cau 10. Choham s y=2x"—4x+3 c6 dd thi 1 parabol (P). Ménh d€ nao sau day sai?
A. (P) khong co giao diém véi truc hoanh. B. (P) cédinh la § (1; l) .
C. (P) c6 truc doi xtmg la duong thang y=1. D. (P) di qua diém M (-1;9).
Huwéng din giai
Chon C.
(P) cé dinhla S(1;1); truc doi xtmg 1a duong thdng x =1 nén C sai.
va (P) di qua diém M (-1;9) = B, D déu dung.
Xét phuong trinh 2x’ —4x+3=0 v6 nghiém trén R nén (P)khong c6 giao diém véi truc
hoanh= A dung.
Cau 11. Hamsd y=—x*+2x—5 dong bién trén khoang:
A. (=L+0). B. (—o0;—1). C. (1;40). D. (—o031).
Hwéng din gii
Chon D.

Ta ¢ d6 thi ham sb 1a mot parabol ¢6 hoanh d¢ dinh: x = —2i =1
a

Ma hé s6 a =—1<0 nén do thi ham s c6 bé 16m quay xubng
Vay ham s6 dong bién trén (—oo;1).
Ciu12. Chohamsd y=x>-2x+4 c6dd thi (P). Tim ménh d¢ sai.
A. (P) c6 dinh I(1;3). B. miny =4,Vxe[0;3].
C. (P) c6 truc doi xtimg x=1. D. max y =7,Vx €[0;3].
Hwéng din gii

Chon B.
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Dua vao do thi cia ham s6 y = x* —2x+4: (P), ta nhan thy:
(P) c6 dinh 7(1;3) nén A dung.
min y =3,Vx €[0;3], dat dugc khi x =1 nén B sai.
(P) c6 truc déi xtmg x =1 nén C dung.
max y =7, Vx €[0;3], dat duoc khi x =3 nén D ding.
Cau 13.  Ham s6 nao dudi day dong bién trén (3;4)?

A.y:%x2—2x+1. B. y=x>-7x+2.

C.y=-3x+1. D.y:—%x2+x—1.

Huwéng din giai

Chon A.

+Hamsb y= %xz —2x+1 dong bién trén (2;+) nén dong bién trén (3;4). Chon A

. \ o 7 )
+Ham s6 y=x"—7x+2 dong bién trén (5, +00j. Loai B.
+ Ham sb y=-3x+1 nghic bién trén R . Loaj C.
+Hamsd y = —%xz +x—1 dong bién trén (—oo;1). Loai D.

Cau 14.  Ham sd nao sau day c6 bang bién thién nhu hinh bén?
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X —0 1 400
= \
¥ 2
—00 —00
2 1 2
A, y=—x"+5x+2. B. y:—Ex +x.
2 1,
C.y=x"-3x+1. D. y:Zx -x+3.

Huwéng din giai
Chon B.

Dura vao bang bién thién ta thdy d6 thi c6 bé 16m huéng xudng nén loai C, D.
A . \ A 1 2 r A 32 1
Do thi ham s6 y = —Ex +x ¢b toa dd dinh [ 1;5 .

Céiu 16. Bang bién thién ctia ham s y =—2x? +4x+1 1a bang nao sau day?

P TE T
R ) ¥

A. \1 /_hc . B. _II/. \_Il .
i | = 2 + x |—» 1 +oo

. | —m/l\‘“. ) } +:ﬂ\.g/'m

Hwéng din gii
Chon B
Do hé s6 a=-2 <0 nén parabol c6 bé 16m huéng xudng va dinh c6 toa do 7(1;3).
Cau17. Tim m déham sb y= X2 =2x+2m+3 ¢ gia tri nho nhét trén doan [2;5] béng -3.
A.m=-3. B. m=-9. C.m=1. D. m=0.
Huwéng din giai
Chon A.

Ta c6 bang bién thién clia ham s6 y = x* —2x+2m+3 trén doan [2;5]:
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X | —=C 1 2 5 +oo

| 4= 7 .

Y 2m+18%//§
m+3"/_'

Do d6 gié tri nho nhét trén doan [2;5] cta ham s6 y =x* —2x+2m+3 bing 2m+3.

Theo gia thiét 2m+3=-3 < m=-3.

CAu 18. Cho ham sb y=x —2(m +ijx+ m (m > O) xac dinh trén [—1;1] . Gi4 tri 16n nhét, gia tri nhd
m

nhat ciia ham s6 trén [-1;1] 1an luot1a y,, y, théa man y, -y, =8. Khi d¢ gia trj ciia m béng
A. m=1. B.med. C.m=2. D.m=1, m=2.
Huwéng din giai

Chon A.

bat y:f(x)zxz—Z(m+ljx+m.
m

Hoanh d6 dinh cta dd thi ham s6 13 x =m +i >2 .
m

A A A1 £ . A 1
Vihé s6 a=1>0 nén ham s6 nghich bién trén (—oo;m +—j.
m

Suy ra, ham s6 nghich bién [-1;1].

=y =/(-1) =3m+%+1.

_ () mlem 2
yz—f(l)—l m -

Theo dé bai ta c6: y,—y, =8

= 3m+3+1—1+m+3=8(m>0) om’-2m+1=0<m=1.
m m

Cau 19.  Gia tri 16n nhat va gia tri nho nhét ciia ham s6 y =x* —4x’ —x* +10x -3 trén doan [-1;4] la

A. in — 5 Vmax =21 B. max > 'min :_21
Ymin 4 Y o 4 Y
37 37
C. in — > max:21- D. max:5’ min :
Ymin 4 Y Y Y 4

Hwéng din gii

Chon A.
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Tacod y=x"—4x —x> +10x =3 =x* —4x’ +4x° = 5x> +10x—5+2

= (¥ —2x) =5(x-1) w2 =[(x=1) -1] ~5(x-1)" +2.

bit t:(x—l)z, xe[-L4]=1€[0,9].

7V 37
— (=1 =5t+2 = —Tt+3=|1t-—| =22,
y=(1-1) (--1] -2
2
Cach1: Taco 0< z‘—Z £E®—3—7Sy$21.
2 4 4
Cach 2: VEBBT
t 0 E Q
2

Pt
[¥FS]
|
L)
=9
[ =]
—

Véy ymin :_77 ymax :21

Dang 2: Xac dinh ham s6 béc hai

1. Phwong phap

. M(xo;yo)e(P)©y0 =ax(2)+bx0 +c

b b
Xg=—"— __ b
= (P) co6 dinh I(xo;yo) & Zj hoic: 170 2a
yO——4— Yo ax§+bx0+c
a

= (P)nhan x = X lam truc déi Xlng < x, = _2_
a

= (P) co gié tri nho nhét (hay 16n nhét) béng Yo & ;—A =Y
a

2. Cac vi du rén luyén ki nang
Vidu 1. Xéc dinh Parabol y =ax” +bx +c dat cyc tiéu bang 4 tai x=-2 va dd thi di qua 4(0;6)

Huwéng din gii

Parabol ¢ dinh /(-2;4) va di qua 4(0;6) nén ta co
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4a-2b+c=4
c=06
_b_

2a

<

o &

Il
AN N [\)|>—a

. Vay y:%x2+2x+6.

WEB: TOANTHAYCU.COM

Vidu2. Parabol y=ax’+bx+c diqua A4(8;0) vaco dinh 7(6;-12). Xac dinh a,b,c

Tir gia thiét ta c6 hé

Huwéng din giai

64a+8b+c=0 a=3

36a+6b+c=—12 <<b=-36.

—£:6 c=96
2a

Vi du 3. Tim céc hé s6 a,b,c cia (P):y=ax” +bx+c,(a#0)

a) (P) di qua A(—I;O);B(Z;O);C(O;—4);

b) (P) di qua A(—1;-2) vaco dinh 1(1;2).

a) Ta co:

A(—l;O)e(P):a—bJrc:O
B(2:0)e(P)=4a+2b+c=0

C(0;-4)e(P)=c=—4

Huwéng din giai

a-b+c=0 a=2
Giai hé phuong trinh: <4a+2b+c=0<<b=-2
c=-4 c=-4

Viy a=2,b=-2,c=-4

b) Vi (P) di qua A(—L-2) nén a—b+c=-2

Mt khéc, vi (P) c6 dinh 1a 7(1;2) nén 7(1;2) e(P)hay a+b+c=2

Va _—b:1<:>2a+b:O
2a

a-b+c=-2 a=-1
Giai hé phuong trinh: sa+b+c=2 <<b=2
2a+b=0 c=1

Vay a=-1;b=2;c=1
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Vi du 4. Tim céc hé s6 a,b,c cia (P):y=ax’+bx+c,(a#0)
a) y nhan gié tri bang -3 khi x =2 va (P) cit d: y = x+1 tai hai diém c6 hoanh d¢ bang 0 va bang 1.
b) (P) di qua hai diém A(-1;6), B(4:3) va c6 truc ddi ximgla x=2.
Hwéng din gii

a) Theo d& : y nhan gia tri bang -3 khi x =2 nén 4a+2b+c=-3
Goi (P) cit d :y=x+1 tai hai diém M va N. Suy ra: M(0;1), N(1;6)

M(O;l)e(P):czl
N(1;6)G(P):>a+b+c=6

4a+2b+c=-3 a=-T7
Giai h¢ phuong trinh: <a+b+c=6 & b=12
c=1 c=1
Vay a=-7,b=12,c=1
b) (P) di qua hai diém A(-1;6), B(4:3) nén
A(—1;6)G(P):>a—b+c:6

B(4;3)e(P):>16a+4b+c=3

(P) va c6 truc d6i xtmg 1a x =2 nén LA DI

2a

3

a=—
a-b+c=6 512
Giai h¢ phuong trinh: <16a+4b+c=3<<b=——
4a+b=0 >

c=3

Vay Clzé;b=—2;C—3
5 5

3. Bai tap tric nghiém
Caul.  Tim khing dinh dting trong cac khang dinh sau?

A. f(x)=3x"+2x-5 laham s6 bac hai.

B. f(x)=2x—4 la ham s6 bac hai.
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Cau 3.

Cau 4.

WEB: TOANTHAYCU.COM
C. f(x)=3x"+2x-1 la ham s bac hai.

D. f(x)=x"-x"+1 laham s0 bac hai.
Huéng din giai

Chon A.

* Theo dinh nghia tam thitc bac hai thi f'(x)=3x"+2x—-5 1a tam thitc bac hai.

Xéc dinh parabol (P): y=ax* +bx+c, a#0 biét (P)cét truc tung tai diém c6 tung do bang

1 va c6 gia tri nho nhat bang % khi x :%

A. (P):yz—x2+x+1. B. (P):y:xz—x+l.

C.(P): y=2x"-2x+1. D.(P): y=x+x+0.
Huwéng din giai

Chon B.

Ta cod (P) ct truc tung tai diém co tung do béng 1: Khi x=0 thi y=1 = c=1.

(P)co gia tri nho nhétbﬁng%khix:% nén:
1

y(aj:% la+lb+1:§ la+l __1 a=1
©4b? 4<:>42 4@{_1.

21 - a+b=0 ="

2a 2 2a 2

Vay (P): y=x>—x+1.

D) thi ciia ham s6 ndo sau ddy 1a parabol c6 dinh 1 (—1;3).

A. y=2x"+4x-3. B. y=x"—x+1.

C. y=2x>+4x+5. D. y=2x"-2x-1.

Huwdng dan gidi

Chon C.

2
Pinh Parabol 1a I(—i;—ﬁj: —i;—b_i .
2a  4a 2a 4a

Do do chi c6 dap an C thoa.
Cho parabol (P):y =ax” +bx+c c6 truc d6i xtmg 1a duong thang x =1. Khi d6 4a+2b bing

A. -1. B. 0. C.1. D. 2.
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Cau 6.

WEB: TOANTHAYCU.COM
Huwéng din giai

Chon B.

Do parabol (P):y=ax’ +bx+c ¢ truc ddi ximg 1a dudng thang x =1 nén _2b_a =1
&2a=-b<=2a+b=0=4a+2b=0.
Do thi ham s6 y=mx’—2mx—m* -2 (m=0) la parabol c6 dinh ndm trén dudng thing
y =x—3 thi m nhén gi4 tri nam trong khoang nao dudi day?
A. (L6). B. (—o0;—2). C. (-3:3). D. (0;+00).

Huwéng din giai
Chon C.

Ta c6 dd thi ham s& y = mx* —2mx —m* —2 1a parabol ¢ dinh I(l;—m2 —-m —2) .

led:y=x-3 &-m"-m-2=1-3 &m>+m=0 @{ - 1:>me(—3;3).
m=-—

Xéc dinh a, b, ¢ biét Parabol c6 dd thi ham s6 y =ax’ +bx +c di qua céc diém M (0;-1),
N(L-1), P(-L1).

A y=x"—-x-1. B. y=x"—x+1.

C. y=-2x"-1. D. y=—x"+x-1.

Hwéng din gii

Chon A.
c=-1 a=1
Vi M €(P), Ne(P), Pe(P) néntacé hé phuong trinh sa+b+c=-1<b=—1.
a-b+c=1 c=-1

Vay (P):y:—xz—x—l.

Tim parabol (P):y =ax” +3x -2, biét ring parabol ¢6 truc ddi ximg x =-3.

A y=x"+3x-2. B. y:%x2+x—2.
1, 1,
C. yzax —-3x-2. D. y:Ex +3x-2.

Hwéng din gii
Chon D.

Truc doi xtmg cua (P) c6 dang:
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Cau 8.

Cau 9.

Cau 10.

WEB: TOANTHAYCU.COM

xz—i:—?) <:>—i=—3 & —3=—6a @azl.
2a 2a 2

Vay (P) c6 phuong trinh: y = %xz +3x-2.
Biét rﬁng ham sb y= ax’ +bx+c (a # O) dat cuc tiéu béng 4 tai x=2 va co dd thi ham sb di
qua diém A(0;6). Tinh tich P =abc.

A. P=-6. B. P=-3. C. P=6. D. P=

Hwéng din gii
Chon A.
Nhan xét: Ham sb di qua diém 4(0;6); dat cuc tiéu bang 4 tai x =2 nén dd thi ham s di qua

1(2;4) vanhén x=2 lam tryc d6i xtimg, ham s cling di qua diém A(0;6) suy ra:

_—b=2 a:l
2a 2
da+2b+c=4 ©<b=-2=abc=-6.
c=6 c=6

Xéc dinh phuong trinh cta Parabol ¢6 dinh 7(0;—1) va di qua diém 4(2;3).

Ao y=(x-1). B. y=x’+1. C.y=(x+1). D.y=x*-1.
Hwéng din giai

Chon D.

Parabol (P) c6 dang y=ax’+bx+c (a#0).

Do I e(P)=c=-1.

1(0;—-1) 1a dinh cua (P) :;—b=o =b=0.
a

Laico A(2;3)e(P)=>3=4a+2b+c=>a=1.
Nén (P):y=x"-1.

Tim m dé Parabol (P) sy =mx> —2x+3 co truc ddi xtng di qua diém A(2;3) .

A.m=2. B. m=-1. C. m=1. D.m=%.

Huwéng din giai
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Cau 11.

Cau 12.

Cau 15.

WEB: TOANTHAYCU.COM
Chon D.

Vé6i m=0 ta c6 phuong trinh y =—2x+3 1a phuong trinh dudng thang nén loai m=0.

Véi m#0. Ta c6 phuong trinh ctia Parabol:

Truc dbi xtmg: x=—_—2 S x=—.
2m m
A , . R A 1 1
Truc d6i ximg di qua diém A(2;3) nén 2=—<:>m:5.
m

Cho ham s§ y =—x>—2x+1. Chon cau sai.
A. D6 thi ham s ¢6 truc d6i xtng x = —1.
B. Ham s6 khéng chin, khong 1é.

C. Ham sb tang trén khoang (—o0;-1).

D. D6 thi ham s6 nhan /(-1;4) lam dinh.

Hudng dan giai

Chon D.

\ .. -2
Tacdo a=-1, b=-2, ¢c=1 nén do thi co tryc doi xung la x:_ﬂ:_l va toa do dinh cua

parabol 1a 7(-1;2).

Cho parabol y =ax’ +bx+4 c6 truc dbi xung la duong thing x :% va di qua diém A(1;3).
Tong gia tri a+2b 1a

A. —l. B. 1. C

1
2 2
Huwéng din giai

Chon B.

Vi parabol y = ax” +bx +4 o truc ddi xing 1a duong thing x = % va di qua diem 4(1;3)

Nén ta co6: b 1

a+b+4=3
=
{2a+3b=0 b=2

a+b=-1 {a:—3
2¢ 3
Do do: a+2b=-3+4=1

Dé d6 thi ham s6 y =mx® —2mx—m’ -1 (m#0) c6 dinh nim trén duong thang y =x—2 thi

m nhan gia tri nam trong khoang nao dudi day?
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A. (2;6). B. (—o0;-2). C. (0;2). D. (-2;2).

Huwéng din giai
Chon D.
D9 thi ham s6 y =mx* —2mx—m* 1 (m#0) c6 dinh 1a I(1;—m* —m—1).
Pé I(L-m'-m-1) ndm tén duong thing y=x-2 thi -m’-m-1=-1
m=0 (I)
m=—1(n)

Cau 16.  Cho parabol (P) :y=ax’ +bx+2. Xac dinh hé s6 a, b biét (P) co6 dinh 1(2; —2).

em+m=0 < .Véymz—le(—Z;Z).

A.a=-1,b=4. B.a=1,b=4. C.a=1,b=-4. D.a=4,b=-1.
Huwéng din giai
Chon C.
+Diéukién: a=0.
b
. n s T =2 4a+b=0 a=1
+ (P) codinh 7(2;—2) néntacohé: { 2a <1, o M o4
2=a2+b2+2  ETET a
Cau 17. Parabol (P):y=-2x"—ax+b c6 diém M (1;3) v6i tung do 16n nhat. Khi d6 gid tri cua b 1a
A. 5. B. 1. C. 2. D. -3.
Huwéng din giai
Chon B.

Do bé 16m ctia (P) quay xudng va M c6 tung do 16n nhatnén M 1a dinh cua (P).

Ta céd M(1;3) la dinh ctia parabol nén S DNy

Suyra y=-2x"+4x+b qua M (1;3) nén b=1.
Cau 18.  Xac dinh cdc hé s6 a va b dé Parabol (P):y =ax’ +4x—b c6 dinh /(-1;-5).
a=3 a=3 a=2 a=2
A. . B. . C. . D. .
b=-2 b=2 b=3 b=-3
Huwéng din giai
Chon C.

Ta co: x1:—1:>—zi:—1:>a:2.
a

Gido vién c¢é nhu cdu sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Pinh Cw: 0834 332 133 dé dwoc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh c6 nhu cau tham gia cdc ldp todn chit lwong Thay Cu-Xa tic- TP Hué vui long
Inbox face: Tran Dinh Cuw hodc lién hé true tiép qua SDT:0834 332 133
Page 180



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM
Hon nita: 7 e(P) nén -5=a-4-b=hb=3.

Ciu 20. Chohamsé y = f(x)=ax’ +bx+c. Bitu thic f(x+3)-3f(x+2)+3f(x+1) cb gid tri bing

A. ax’ —bx—c. B. ax’ +bx—c. C. ax* —bx+c. D. ax’ +bx+c.
Loi giai
Chon D
f(x+3):a(x+3)2+b(x+3)+c:ax2+(6a+b)x+9a+3b+c.
f(x+2):a(x+2)2+b(x+2)+c:ax2+(4a+b)x+4a+2b+c.
f(x+1):a(x+1)2+b(x+1)+c:ax2+(2a+b)x+a+b+c.

3f(x+3)—3f(x+2)+3f(x+l)zaxz+bx+c.

Dang 3: D6 thi ham s6 béc hai

1. Phuwong phap

Pé v& dudng parabol y = ax? +bx+c ta co thé thuc hién cac budc nhu sau:

— Xac dinh toa do dinh I(—i;—ﬁj.
2a 4a

, . L. , b \ , A1~ )
— Xaéc dinh tryc d6i xting x = 5. va hudng bé 10m cua parabol.
a
—  Xéc dinh mot s6 diém cu thé cua parabol (chéng han, giao diém cua parabol véi céc truc
toa do va cac diém doi xing voi chung qua truc truc doi xung).
— Can cir vao tinh d6i xtng, bé 16m va hinh dang parabol dé vé& parabol.
ta 1an luot 1am nhu sau:

Dé v& @6 thi ham s6 y = ax’ +bx+c

Trudce hét ta v& do thi (P):y = ax® +bx+c

Ta co:
) ax2+bx+c, khi ax*>+bx+c>0
y=lax" +bx+c|= 2 . 2
—(ax +bx+c), khi ax“+bx+c<0
Vay db thi ham s6 y = ax’ +bx +c| bao gdm hai phan

e Phan 1: Chinh la d6 thi (P) liy phan phia trén truc Ox
e Phan 2: Ly ddi xtmg phan d6 thi (P) phia duéi truc Ox qua truc Ox.
V& d6 thi ham s6 (P,) va (P,)
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2. Céc vi du rén luyén Ki nang

Cau l.

Cau 2.

Do thi dudi day la ciia ham s6 nao sau day?

'

Y=

-2 N\
A, y=—x"-2x+3. B. y=x"+2x-2.
C. y=2x"-4x-2. D. y=x>-2x-1.

Hwéng din gii
Chon D.

Do parabol c6 bé 16m quay 1én nén a >0, tir d6 ta loai A.

‘. b .
Truc doi xuing cua parabol 1a x = >, =1 nén ta loai B.
a

Khi x=0 thi y =—1 nén loai C.
Vay d0 thi trén 1a cia ham s6 y = x> —2x—1.

Cho parabol (P) cy=ax’ +bx+ c,(a #* 0) ¢ do thi nhu hinh bén. Khi d6 2a+b+2¢ ¢ gia tri

la

A. 9. B. 9. C. -6. D. 6.
Huwéng din giai

Chon C.

Parabol (P):y:ax2+bx+c,(a¢0) di qua céc diém A(—l; O), B(l; —4), C(3; 0) nén cod
a—b+c=0 a=1

hé phuong trinh: a+b+c=-4 < 3b=-2.
9a+3b+c=0 c=-3

Gido vién cé nhu cdu sé hitu tron b file word Bai gidng Todn 9,10,11, 12 c6 10i gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwoc ho tro toi da . “Tranh mua cdc trang va cdc cd nhan khdc”

Phu huynh va hoc sinh c6 nhu cau tham gia cdc ldp todn chit lwong Thay Cu-Xa tic- TP Hué vui long

Inbox face: Tran Dinh Cuw hodc lién hé true tiép qua SDT:0834 332 133
Page 182



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

Khi d6: 2a+b+2¢=2.1-2+2(-3)=—6.

Cau3. Cho ham s y= f(x) =ax’ +bx+c c6 dd thi nhu hinh vé&. Pat A =5b>—4ac, tim diu cta a

va A.
\y y=1(x)
4\
0 1\/4 X
A.a>0, A>0. B.a<0,A>0.
C.a>0,A=0. D.a<0,,A=0.
Hwéng din gii
Chon A.

* PO thi ham sb 1a mot Parabol quay lén nén a >0 va dd thi ham sd cat truc Ox tai hai diém
phan biétnén A >0.

3. Bai tap tric nghiém

Cau 1. Cho ham 86 y = ax” + bx+c¢ ¢6 d6 thi nhu hinh bén duéi. Khang dinh nao sau day ding?

\ ALy /
0 >
A.a>0,b<0, c<0. B.a>0,b<0, c>0.
C.a>0,b>0,c>0. D. a<0, <0, c<0.

Huwéng din giai
Chon A.
Parabol ¢6 bé 16m quay 1én = a > 0 loai D.
Parabol cit truc tung tai diém co tung do am nén ¢ <0 loai B, C. Chon A.

Cau?2. Do thi hinh bén dudi la dd thi cua ham sb nao?

\/.

o
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Cau 3.

Cau 4.

WEB: TOANTHAYCU.COM
A. y=-2x"+3x-1. B. y=—x"+3x-1.

C. y=2x"-3x+1. D. y=x"-3x+1.
Huwéng din giai

Chon C.

Do thi cét truc tung tai diém co tung do béng 1

Do thi cit truc hoanh tai diém c6 hoanh d6 bang 1, phuong trinh hoanh d6 giao diém phai c6

x=1

nghiém x =1, ta chi c6 phuong trinh 2x* —3x+1=0 < 1
x=—

2

Cho ham s0 y = ax” +bx+c c6 do thi nhu hinh v&, thi dau cac hé so ctia n6 1a

—>

X
A.a<0,b<0,c>0. B.a<0,b>0,c>0.
C.a>0,b>0,c>0. D.a<0,b>0,c<0.

Huwéng din giai
Chon B.
D thi 14 parabol c6 bé 16m hudng xudng dudi nén a <0.

Do thi cét chiéu duong truc Oy nén ¢>0.

Truc ddi xtmg x:—zi>0,mz‘1 a<0,nén b>0.
a

Ham s6 y = —x* +2x+3 c6 d0 thi 14 hinh nao trong cac hinh sau?
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5 -4 =3 =2 -10 1 2 x>
D. / |\
Hudng din giai
Chon A.

Do a =—1 nén dd thi 16m xudng dudi = Loai C.

D6 thi c6 dinh 1(—3;—ﬁj = I(1;4)

2a  4a
Cau5. Choham s y=ax®+bx+c c6 dd thi nhu hinh bén. Khing dinh nao sau diy dang?

& .1_1

T

A.a<0,b>0,A>0. B. a<0,b<0,A>0.

C.a>0b>0,A<0. D.a>0b>0,A>0.
Huwéng din giai

Chon A.

Quan sat bé 16m cua parabol nhu hinh vé ta c6 a <0 loai C. va D., parabol cit truc Ox tai hai
diém phan biét nén A >0. Cho x=0 thi giao ciia parabol véi truc tung Oy 1a ¢ <0.

Cau 6. Ham so0 nao c¢6 do thi nhu hinh v€ sau
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ya___

0] X
-1

A. y=x"-3x-1. B. y=-2x"+5x-1.

C. y=2x"-5x-1. D. y=-2x>+5x.
Huwéng din giai
Chon B.
Do bé 16m parabol huéng xudng nén a <0 va qua A(O; — 1) .
Cau7. Chohamsd y=ax®+bx+c co dd thi nhu hinh v& dudi diy. Ménh nao sau day dung?
Tl
/

ol x
A.a>0,b=0,c>0. B.a>0,56>0,c>0.
C.a>0,b<0,c>0. D.a<0,b>0, c>0.

Huéng din giai
Chon B.

D6 thi ¢6 bé 16m quay 1én trén = a > 0. Loai dap an D.

Tmcdéixu»ngx=—2i<o:>a.b>o:sb>o.
a

Cau8. Chohamsd y=ax®+bx+c c6 dd thi nhu hinh dudi ddy. Khang dinh nao sau day 1a ding?

y

0 \f

A.a<0,b>0,c>0. B.a>0,b6<0, c>0.

C.a<0,b>0, c<0. D.a>0,b>0, c<0.

Huwéng din giai
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Chon C.

Nhin vao dd thi ta cé:

] Bé16m hudng xubng = a <0.

(1 Hoanh d6 dinh x=—i>0:>i<0:>b>0 .
2a 2a

1 D6 thi ham sd cit truc tung tai diém c6 tung d0 am = ¢ <0.
Do d6: a<0, b>0, c<0.

Cau 9.  Ham sd nao sau ddy c6 do thi nhu hinh bén?

A y=—x"+2x-3. B. y=-x>+4x-3.

C. y=x"—-4x+3. D. y=x"-2x-3.
Hwéng din giai

Chon B

Dua vao db thi suy ra: a <0 va hoanh d¢ dinh Ia 2.

y=—x+4x-3=a=-11(21)

Cau 10. Ham sd nao sau ddy c6 dd thi nhu hinh bén

A. y=x"-3x-3. B. y:—x2+5|x|—3.
C. y:—x2—3|x|—3. D. y=—x"+5x-3.

Huéng dan giai
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Cau 11.

Cau 12.

WEB: TOANTHAYCU.COM
Chon B.

Quan sat dd thi ta loai A. va D. Phan db thi bén phai truc tung la phﬁn dd thi (P) ctia ham sd
y=-x"+5x-3 véi x>0, toa d dinh cua (P) 1a G%) truc d6i xtimg 1a x = 2,5 . Phan d6
thi bén trai truc tung 1a do 1iy ddi ximg phan dd thi bén phai cua (P) qua truc tung Oy . Ta
duoc cd hai phan 1a d6 thj cia ham s6 y = —x"+5|x| 3.

Do thi ham s6 y = x” —6[x|+5.

A. ¢6 tam ddi xtmg (3;-4).

B. c6 tam ddi xtng /(3;—4) va truc dbi xtng c6 phuong trinh x=0.

C. khong c6 truc dbi ximg.

D. c6 truc ddi ximg 1a duong thang cé phuong trinh x=0.
Huwéng din giai

Chon D.

=x"—6x+5 khix>0(C
Taco: y=x*—6[d+5=1" . ()
y, =x’+6x+5 khix<0(C,)
Do thi (C)ctahamsd y =x’—6[x|+5 gbdm hai phan
Phan d6 thi (C,): 1a phan dd thi ctia ham s6 y, = x* —6x+5 ndm bén phai truc tung

Phén dd thi (C,): 1a phan d0 thi ciia ham sb y, =x’ +6x+5 ¢6 dugc bing cach lay doi xing

phén db thi (C,) qua truc tung

Ta c6 @6 thi (C) nhu hinh v&

(€:) : (G)

Viy: d6 thi (C ) c6 truc d6i xtng c6 phuong trinh x=0.

ham s6 y = ax® + bx +c¢ ¢6 d6 thi nhu hinh v& bén. Ménh dé nao dudi ddy ding?
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D N

19) X
-1
A.a<0,b<0, c<0. B. a<0,b=0, c<0.
C.a>0,b>0, c<0. D.a<0,b>0, ¢c<0.

Huwéng din giai
Chon D.

Quan sat do thi ta co:

D6 thi quay bé 16m xubng dudi nén a <0 ; c6 hoanh d6 dinh x, =—2i>o@2<o:b>o.
a a

Lai c6: dd thi cit Ox tai diém co tung d0 am nén ¢ < 0.
Vay a<0,b>0, c<0.
Cau 13. Cho parabol (P):yzax2 +bx+c (a;tO) c6 dd thi nhu hinh bén. Tim cic gia tri m dé

phuong trinh ‘ax2 +bx + c‘ =m c6 bon nghiém phan biét.

ye

A. -l<m<3. B. 0<m<3. C.0<m<3. D. -1<m<3.

Huwéng din giai

Chon B.
re AA 1 40 ) \ N _i =2 b=-4a
Quan sét do thi ta ¢6 dinh cta parabol 1a 7(2;3) nén { 24 )
da+2b+c=3
3=4a+2b+c

o . . . b=-4a a=-1

Mit khac (P) cat tryc tung tai (0;—1) nén c=-1. Suyra & .
da+2b=4 b=4
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(P):y=-x"+4x-1suyrahamsd y =|-x" +4x—1| c6 dd thi 1 la phan dd thi phia trén truc
hoanh ctia (P) va phan c6 duge do lay ddi xtmg phén phia duéi truc hoanh ctia (P), nhu hinh

v€ sau:

Phuong trinh |ax® + bx + c‘ =m hay ‘—xz +4x - 1‘ =m c6 boén nghiém phan biét khi duong thing
y=m cit dd thi ham s ham sé y = ‘—xz +4x —1‘ tai bén diém phan biét.

Suyra 0<m<3.

Dang 4: Su twong giao

1. Phuwong phap
*  Thiét lap phuong trinh hoanh d6 giao diém
¢ Khai thic cac diéu kién
Xir Iy phuong trinh hoanh d6 giao diém
e Lua chon cac két luan can thiét
2. Céc vi du rén luyén Ki nang

Vi du 1: Cho parabol (P) cy=x>—2x+m—1. Tim tit ca cac gia tri thuc cia m dé parabol cit Ox tai
hai diém phén biét c6 hoanh d6 duong.
Loi gidi
Phuong trinh hoanh d¢ giao diém cta (P) va truc Ox la
x*=2x+m-1=0. (1)

Dé parabol cit Ox tai hai diém phan biét c6 hoanh d¢ duong khi va chi khi (1) c6 hai nghiém

AN=2-m>0
m<?2
duong <<:85=2>0 & Sl<m<?2.
m>1
P=m-1>0
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Vi du 2: Tim tit ca cac gia tri thuc cia tham s6 m dé duong thing d:y=mx cit d6 thi ham s
(P):y=x"—6x"+9x tai ba diém phan biét.
Loi giai
Phuong trinh hoanh d¢ giao diém cta (P) véi d 1a x* —6x” +9x = mx

x=0

@x(xz—6X+9_m)20©[x2—6x+9—m20' (1)

Dé (P) cét d tai ba diém phan biét khi va chi (1) c6 hai nghiém phan biét khéc 0

A">0 m>0 m>0
= = = .
0°-6.0+9-m=#0 |9-m#0 |m=#9
Vi du 2: Tim tat ca cac gia tri thuc ciia tham s6 m dé phuong trinh x*> —5x+7+2m =0 c6 nghiém thudc
doan [1;5].
Loi giai
Tacd x> —5x+7+2m=0< x* —5x+7 =-2m. (*)
Phuong trinh (*) 12 phuong trinh hoanh d6 giao diém cta parabol (P) x> =5x+7 va duong
thang y = —2m (song song hodc tring v&i truc hoanh).

Ta c6 bang bién thién cua ham s6 y = x> —5x+7 trén [1; 5] nhu sau:

\/

Dua vao bang bién ta thiy x e [1;5] thi ye [%, 7}.

3 7

Do do dé phuong trinh (*) ¢6 nghiém x €[1;5] < % <2m<7 & 3 >m> -

3. Bai tap tric nghiém
Caul. Cho ham s6 y=ax’+bx+c(a#0) co6 dO thi la parabol (P). Xét phuong trinh

ax® +bx+c=0 (1). Chon khang dinh sai:
A. 86 giao diém cua parabol (P) véi truc hoanh 14 s6 nghiém ciia phuong trinh(1).
B. S6 nghiém cua phuong trinh (1) 1a s6 giao diém cta parabol (P) véi truc hoanh.

C. Nghiém cua phuong trinh (1) 1a giao diém ctia parabol (P) véi truc hoanh.
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D. Nghiém cua phuong trinh (1) 1a hoanh d giao diém ctia parabol (P) véi truc hoanh.

Huwéng din giai

Chon C.

Cau2. Toa do giao diém cia duong thang d : y =—x+4 va parabol y=x>—7x+12 la

A. (-2;6) va (—4;8). B. (2;2) va (4:8).
C. (2,-2) va (40). D. (2;2) va (4,0)
Hudéng din giai

Chon D.

Phuong trinh hoanh do giao diém: x> —7x+12=—x+4 < x* —6x+8=0< [

x=2=y=2
x=4=y=0

Cau 3. Nghiém cua phuong trinh x*> —8x+5=0 c6 thé xem 1a hoanh d6 giao diém cua hai dd thi

ham sb:

A. y=x"va y=-8x+5. B. y=x" va y=-8x-5.

C.y=x"va y=8x-5. D. y=x" vd y=8x+5.
Huwéng din giai

Chon C.

Tacd x> —8x+5=0 < x*=8x-35.

Do d6 nghiém ctia phuong trinh x> —8x+5=0 co thé xem 14 hoanh d¢ giao diém cua hai dd

thi ham s6 y=x va y=8x-5.

Caud.  Giao diém clia parabol (P):y=x’—3x+2 véi duong thing y=x-11a

A (-12); (21). B. (1,0); (3;2).

C. (21); (0;-1). D. (0;-1); (-2;-3).

Hudéng din giai
Chon B.

Phuong trinh hoanh d¢ giao diém cua (P) va (d) 1a
¥ =3x+2=x-1 & x*-4x+3=0 c{

Vay hai giao diem cua (P) va (d) 1a (L,0); (3;2).
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Cau 5.

Cau 6.

Cau 7.

WEB: TOANTHAYCU.COM
Cho dudng thang d:y=x+1 va Parabol (P):y=x’—x—2. Biét ring d cat (P) tai hai
diém phan biét 4, B .Khi d6 dién tich tam gisc O4AB bang

A. 4. B. 2. C.i. D.

2

|

Huwéng din giai
Chon C.
Phuong trinh hoanh d6 giao diém ciia d va (P) la x’—x-2=x+1<x"-2x-3=0.
Phuong trinh nay c6 a —b+c =0 nén c6 hai nghiém x, =-1,x, =3.
Suy ra A(-1;0) va B(3;4).

Dién tich tam gidc OAB bang % 1.3= % .

Biét dudng thing d: y =mx cat Parabol (P):y=x"—x+1 tai hai diém phan biét 4, B. Khi

do6 toa do trung diém I cua doan théng AB la

2 _ 2_
AL I(Ij;m;m ;m} B.I[ler; m 2m+3j'

C. I l,é D. ] l;ﬂ.
24 22

Huwéng din giai

Chon A.
Xét phuong trinh hoanh d6 giao diém cua d va (P) :
mx=x"-x+l<x —(m+1)x+1=0

Vi hoanh d6 giao diém x > Xz 1a hai nghiém cta phuong trinh nén ta c6 toa do trung diém 1

+ + +1
X = T4 % X = SERL Xy e 2
\ 2 2 2 l+m m +m
la & = R =1 ; .
_VatVs _m(x, +x,) _m+m 27 2
1 5 Yr = 5 Vi )

Tim tit ca cac gia tri cia tham s6 m dé duong thing d:y=2x+3 cit parabol
y=x"+(m+2)x—m tai hai diém phan biét ndm cung phia véi truc tung Oy.
A.m>-3. B. m<-3. C. m>3. D. m<O0.

Hudéng dan giai

Chon B.
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Cau 8.

Cau 9.

WEB: TOANTHAYCU.COM
Xét phuong trinh hoanh d¢ giao diém:

x° +(m+2)x—m =2x+3 < xX*+mx-m-3=0. (l)
Dé duong thang d cét parabol tai hai diém phéan biét nam cing phia vdi truc tung Oy thi

A>0 e ams1250
phuong trinh (1) c6 hai nghiém phén biét cing dau < 1 ¢ 0 =S {

>
a

-m—-3>0
Sm<-3.
Hoi c¢6 bao nhiéu gid tri m nguyén trong ntra khodng [—10;—4) dé duong thang

d:y=—(m+1)x+m+2 cat Parabol (P):y=x>+x-2 tai hai diém phan biét cung phia véi

truc tung?

A. 6. B.5. C.7. D. 8.
Hudéng din giai

Chon A.

Xét phuong trinh: —(m+1)x+m+2=x"+x-2< X’ +x(m+2)-m-4=0

Dé dudng thing d cét Parabol (P) tai hai diém phén biét cing phia véi truc tung vay diéu kién

‘{A>O (m+2) +4(m+4)>0 {m2+8m+20>0,Vm
la = = A
m<—

P>0  |—m-4>0
Vay trong nura khoéng[—lO; —4) cO 6 gia tri nguyén m.
Tim m d€ Parabol (P):y=x’—2(m+1)x+m’ -3 cit truc hoanh tai 2 diém phan biét c6
hoanh d¢ x,, x, sao cho x,.x, =1.
A.m=2. B.Khong tontai m. C.m=-2. D. m=12.

Hwéng din giai

Chon A.
Phuong trinh hoanh d¢ giao diém cia (P) v6i truc hoanh: x° — 2(m + 1)x+ m*-3=0 (l) .
Parabol (P) ct truc hoanh tai 2 diém phan bi¢t c6 hoanh d9 x,, x, sao cho x,.x, =1

< (1) ¢6 2 nghiém phan biét x,, x, théa x.x, =1

Sm=2.

- A':(m+l)2—(m2—3)>0c>{m>—2

m*=3=1 m =12

Cau 10. Cho hai ham s6 y, =x*+(m—1)x+m, y, =2x+m+1. Khi d6 thi hai ham s cit nhau tai hai

diém phén biét thi m co gia tri la
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Cau 11.

Cau 12.

Cau 13.

WEB: TOANTHAYCU.COM
A.m>0. B. m<0. C. mtuyy. D. khong c6 gié tri nao.

Hudéng din giai
Chon C.
Phuong trinh hoanh d¢ giao diém: x* +(m—1)x+m=2x+m+1 < x*+(m-3)x-1=0(1).
Khi d6 thi hai ham s cét nhau tai hai diém phan biét thi pt(1) c6 hai nghiém phan biét
< A=(m=-3)" +4>0 luén ding VmeR.
Duong thang d,, :(m—2)x+my=-6 ludn di qua diém:
A. (3;-3) B. (2;1) C. (,-5) D. (3;1)
Hudéng din giai
Chon A.
(m=2)x+my=-6 < (x+y)m-2x+6=0  (*)

x+y=0 x=3
<
-2x+6=0 y=-3

Phuong trinh (*) luén dang voi moi m khi {
Véy d, luén di qua diém c6 dinh (3;-3).
Tim tit ca cac gia tri m dé dudng thing y=mx+3—2m cét parabol y=x’>-3x—5 tai 2
diém phén biét c6 hoanh do trai déu.
A. m<-3. B. 3<m<4. C. m<4. D. m<4.

Huwéng din giai
Chon C.
Phuong trinh hoanh d giao diém: x*> —3x—5=mx+3-2m < x’ —(m+3)x+2m—8 =0 (*) .
Puong thang cét parabol tai hai diém phan biét c6 hoanh do trai dau khi va chi khi phuong

trinh (*) 6 hai nghiém trdi ddu < ac<0 < 2m-8<0 < m<4.

Cho parabol y =ax’ +bx+c (a#0), (P) c6 dd thi nhu hinh vé&:

\'1 /

-2\ O 2 x

Biét d6 thi (P) cit truc Ox tai cac diém lan luogt c6 hoanh do 1a -2, 2. Tap nghiém cua bét

phuong trinh y <0 la
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A. (—o0;—2]U[2;+ ). B. (-2;2).
C.[-22]. D. (—o0;—2)U(2;+ ).
Huwéng din giai
Chon B
Dua vao do thi ta thdy y <0khi xe(-2;2).
Cau 14. Gi4 tri ndo ctia m thi phwong trinh (m—3)x* +(m+3)x—(m+1)=0 (1) c6 hai nghiém phan

biét?

A. meR\{3}. B. me(—oo;—%ju(l;+oo)\{3}.

C. me(—é;lj. D. me(—§;+ooj.
5 5
Huéng din giai
Chon B.

m-3%0

Ph trinh c6 hai nghiém phan biét
wong trinh c6 hai nghiém phan bié @{A=(m+3)2+4(m—3)(m+1)>0

m=3
#3
@{mz & x<—§@me(—oo;—iju(l;+oo)\{3}.
Sm”—2m—-3>0 5 5
x>1

Cau 15. Co bao nhiéu gia tri thuc cia m dé dudng thing d:y=4x—2m tiép xuc véi parabol
(P):y :(m—2)x2 +2mx—-3m+1
A. 3. B. 1. C.2. D. 0.
Hudéng din giai
Chon B.
Phuong trinh hoanh d¢ giao diém cua d va (P) 1a (m—2)x" +2mx—3m+1=4x-2m

<:>(m—2)x2+2(m—2)x—m+1:0.

d tiép xtic v6i (P) = phuong trinh hoanh d¢ giao diém cia d va (P) c6 nghiém kép.

m#2

m—2#0 m=2 3

o ==

T =2y ~(m-2)men=0 T | 3T
2
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Vay ¢ 1 gia tri m dé duong thing d tiép xuc véi (P)

Cau16. Chohamsb f(x) xdcdinh trén R c6 do thi nhu hinh v&.
J'.ﬂ.
Phuong trinh 2/ (x)—1=0 c6 bao nhiéu nghiém?
A. 1. B. 3. C.2. D. 4.
Hudéng din giai
Chon B.
1
2f(x)—1:O<:>f(x)=E.
S6 nghiém phuong trinh (1) 1a s6 giao diém ctia @6 thi ham sé y = f(x) va dudng thang
_1
Y 5
Dua vao dd thi ham sd suy ra phuong trinh di cho c¢6 3 nghiém phan biét.
Cau17. Chohamsé y = f(x) c6 bang bién thién nhu sau:
X —0o0 O _I. +o0
2 +o0
—o0 -2
Véi gia tri nao ctia tham s6 m thi phuong trinh ‘ f(x)- 1‘ =m c6 bbén nghiém phén biét.
A.m=1. B.1l<m<3. C.0<m<]1. D. m=>3.
Hudéng din giai
Chon B.
Dua vao bang bién thién cia ham s6 y = f (x), suy ra bang bién thién ctia ham sé
y= ‘ f(x)- 1‘ )
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X |—oo 0 1 +00
+00 1 3 +00
NN

Tu BBT suy ra phuong trinh ‘f(x) — 1‘ =m c6 bdén nghiém phén biét khi 1<m <3.

Viay 1<m<3.

Cau18. Chohamsd f(x)=ax’+bx+c dd thi nhu hinh bén dudi. Hoi v6i nhing gié tri nao cua tham

s m thi phuong trinh f (|x|) —1=m cb dung 3 nghi¢ém phan biét.

)
3
0 9 v
—1-41/
A. 2<m<?2. B. m=3. C.m>3. D.m=2.

Huwéng din giai

Chon D.

Hams6 f(x)=ax’ +bx+c ¢6 dd thila (C), ldy doi xtmg phan d6 thi ndm bén phai Oy cua

(C) qua Oy ta dugc do thi (C') ciia ham sé y =f(|x|).
Duya vio db thi, phuong trinh £ (|x|)~1=m <> (|x|)=m+1 c6 ding 3 nghi¢m phan biét khi
m+l=3cm=2.

Cau19. Cho hamsd f (x) = ax’ +bx+c dd thi nhu hinh bén dudi. Hoi véi nhiing gia tri nio cua tham

s m thi phuong trinh ‘ f (x)‘ —1=m c6 dang 2 nghiém phan biét.

-

v

y
3
2
N
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Cau 20.

WEB: TOANTHAYCU.COM

m=0 m>0
A. . B. . C.m=>-1. D. m=0.
m=-1 m=-1

Hudéng dan giai

Chon B.

+ Phuong trinh < ‘f(x)‘ =m+1.

+ Do thi ham s y = ‘f(x)‘ c6 dang:

r

o

+ Dura vao do thi, dé phuong trinh ‘ f (x)‘ =m+1 c6 hai nghiém phan biét thi:

m=-1

m+1>1 m>0
=
m+1=0

Ho61 c6 bao nhiéu gid tri m nguyén trong ntra khoang (0;2017] dé phuong trinh
‘xz —4|x| - 5‘— m =0 c6 hai nghiém phan biét?
A. 2016. B. 2008 . C. 2009. D. 2017.
Hudéng din giai
Chon B.

PT: ‘xz —4|x|—5‘—m=0<:>‘x2 —4|x|—5‘:m .

S6 nghiém phuong trinh (1) < s giao diém cua d6 thi ham s y = ‘xz —4|x| —5‘(P) va duong

thing y=m .

Xét ham s6 y =x>—4x—5(B) c6 d thi nhu hinh 1.
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Yy
—1\ / S
0 X
-5
-9 9 s 0 5
Hinh 1. Hinh 2. Hinh 3.

Xétham s y =x" —4|x|—5 (P 1a ham s6 chin nén c6 dd thi nhan Oy lam truc déi xtmg. Ma

y=x"—4[x]-5=x"-4x-5 néu x> 0. Suy ra 46 thi ham s6 (B) gém hai phan:
[ Phan 1: Giit nguyén do thi ham s (Pl) phan bén phai Oy .

[ Phan 2: Liy d6i xtrng phan 1 qua truc Oy .

Ta duoc dd thi (PZ) nhu hinh 2.

. x*—4lx-5  (y=0)
Xétham s6 y =[x’ —4[x|-3|(P)., taco: y=1 | .
—(x —4|x|—5) (y < 0)

Suy ra d6 thi ham s (P) gdm hai phan:

'] Phén 1: Giit nguyén d6 thi ham s6 (B,) phan trén Ox .

() Phan 2: Lay ddi xiémg d6 thi ham s (F;) phan dudi Ox qua truc Ox .

Ta dugc @6 thi (P) nhu hinh 3.

\ , , 9
Quan sat do thi ham s6 (P) ta co: De ‘xz —4‘x|—5| =m (1) c6 hai nghiém phén biét < {m g 0
m=
me 7
Ma = me{10;11;12;...;2017} .
m 6(0;2017]

Cau2l. Hoi c6 bao nhiéu gia tri m nguyén trong nira khoang (0;2017] d& phuong trinh
‘xz — 4‘ x|—5| —m =0 c06 hai nghiém phan biét?
A. 2016. B. 2008. C. 2009. D. 2017.
Hudéng din giai

Chon B.
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PT: ‘xz —4‘x|—5|—m =0 ‘xz —4‘x|—5| =m(1). S6 nghiém phuong trinh (1)< s6 giao diém
ctia d6 thi ham s6 y = ‘xz —4lx| —5‘(P) va duong thang y=m .

Xétham s y =x—4x—5 (B c6 dd thi nhu hinh 1.

A\ s S\ e s
O X 0 i X
o\ 5 5 0 5x
Hinh 1. Hinh 2. Hinh 3.

Xét ham sé y =x* — 4|x| -5 (Pz) 12 ham s6 chdn nén c¢6 dd thi nhan Oy lam truc d6i xing. Ma

y=x"—4|x|-5=x"-4x—5 néu x>0. Suy ra dd thi ham s6 (P,) gdm hai phan:

'] Phén 1: Giit nguyén dd thi ham s6 () phan bén phai Oy .

[ Phan 2: Ly ddi xtmg phan 1 qua truc Oy .

Ta dugc d6 thi (A ) nhu hinh 2.

) x2—4|x|—5 (yZO)

Xétham s6 y=|x* —4[x|-5|(P), tacé: y={ | .
—(x —4|x|—5) (y < 0)

Suy ra d6 thi ham s (P) gom hai phan:

'] Phan 1: Giit nguyén d6 thi ham s6 (B,) phan trén Ox.

'] Phén 2: Ly d6i xtmg do thi ham s6 (B ) phan du¢i Ox qua truc Ox.

Ta duge d6 thi (P) nhu hinh 3.

‘ , 7 9
Quan sat dd thi ham s6 (P) ta cé: D¢ |x* —4|x[-5|=m (1) c6 hai nghi¢m phan bigt < [m 1
m =

me 7
Ma = me{10;11;12;...;2017} .

m €(0;2017]

Dang 4: Toan thue té
1. Phuwong phap

2. Cac vi du rén luyén Ki nang
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Vi du 1: Khi nu6i cé thi nghiém trong ho, mdt nha sinh hoc théy rﬁng: Néu trén mdi don vi dién tich cua

mit hd ¢6 7 con c4 thi trung binh mdi con ¢4 sau mot vu can ning P (n)=360-10n. Hoi phai
tha bao nhiéu con ca trén mot don vi dién tich dé trong luong cé sau mot vy thu dugc nhiéu
nhét?
Huwéng din giai
Trong lugng ca trén don vi dién tich la
T=(360-10n)n=360n-10n" =-10(n’-36n+324-324) =-10(n—18) +3240
=T . =3240 khi n=18.
Vidu2: Cong Arch tai thanh phé St Louis cia My c6 hinh dang 1a mot parabol . Biét khoang cach giira
hai chan céng béng 162m. Trén thanh céng, tai vi tri c6 d6 cao 43m so v&i mat dat , nguoi ta

tha mot sgi day cham dat . Vi tri cham dit cua dau soi day nay cach chan céng A mot doan
10m. Gia st cac s6 liéu trén 1a chinh xac. Hay tinh do cao cta cong Arch .

Huéng din giai

Chon hé tryc toa dd Oxy nhu hinh v&. Phuong trinh Parabol (P) c6 dang y =ax” +bx+c.

Parabol (P) di qua diém A(O;O), B(162; 0), M(10;43) nén ta co

=0 c=0
162°a+162b+¢c=0 <<a=
10°a+10b+c =43

LB (p)ya B 3483
1520 15207 760

b 3483
760
2 —
Do d6 chiéu cao cta cong 1a 4 = _A b7~ dac ~185,6 m.
4a 4a

3. Bai tap tric nghiém
Cau 1. Mot chiée cong hinh parabol c6 phuong trinh y = —Exz. Biét cong c6 chiéu rong d =5 mét .

Hay tinh chiéu cao /4 cta cong.
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Cau 2.

WEB: TOANTHAYCU.COM

Y
0] X

A. h=4,45 mét. B. 7 =3,125 mét. C. h=4,125 mét. D. 7 =3,25 mét.
Huwéng din giai
Chon B.

Goi Ava Bl hai diém tng véi hai chan cong nhu hinh vé.

. 1 . "
Vi cong hinh parabol c6 phuong trinh y = —Exz va cong c6 chiéu rong d =5 mét nén:

AB=5 va 4 —é;—é ; B é;—é .
2 8 2 8

25| 25

Vay chiéu cao cia cong 1a 3 = Y =3,125 mét.

Mot ctia hang budn gidy nhip mot d6i voi gia 1a 40 dola. Cira hang udce tinh rang néu ddi gidy
dugc ban véi gia x dola thi mdi thang khach hang s& mua (120—x) doi. Hoi cia hang ban mot
d6i gidy gia bao nhiéu thi thu duoc nhiéu 13i nhat?

A. 80 USD. B. 160 USD. C. 40 USD. D. 240 USD.

Huwéng din giai

Chon A.

Goi y 1a sb tién 13i cua cira hang ban giay.

Taco y= (120—x)(x—40) =—x" +160x—4800 = —(x—80)2 +1600 <1600 .

Dau "=" xayra < x=80.

Vay cira hang 13i nhiéu nhat khi ban dbi giay voi gia 80 USD.

Day truyén d& trén ciu treo c6 dang Parabol ACB nhu hinh v&. Pau, cudi cua diy duoc gin
vio céc diém A, B trén mdi truc A4’ va BB’ véi d cao 30m. Chiéu dai doan A'B’ trén nén
cdu bang 200m . Do cao ngin nhit cua dy truyén trén cau 1a OC=5m. Goi Q', P', H', O,
I', J', K' 1a cic diém chia doan A'B’ thanh cic phan biang nhau. Cac thanh thing dimg ndi
nén cau vé6i day day truyén: QQ', PP', HH', OC, II', JJ', KK' goi la cac day cap treo.

Tinh tong d6 dai cua cac day cap treo?

Gido vién cé nhu cau sé hitu tron b file word Bai giang Todn 9,10,11, 12 c6 10i gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwoc ho tro toi da . “Tranh mua cdc trang va cdc cd nhan khdc”

Phu huynh va hoc sinh co nhu‘céu tham gia cdc lop todan chd't,lu'g'ng Thay Cw-Xa tic- TP Hué vui long
Inbox face: Tran Dinh Cw hodc lién hé truc tiep qua SDT:0834 332 133
Page 203



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

B QO p H' c I' J K A
A. Dép an khac. B. 36,87m. C. 73,75m. D. 78,75m.
Hudéng din giai

Chon D.

O O

B QO P H'O

200m

Gia sir Parabol c6 dang: y=ax’ +bx+c, a#0.

Chon hé truc Oxy nhu hinh v&, khi d6 parabol di qua diem 4(100;30), va c6 dinh C(0;5).
Poan AB chia lam 8 phan, mdi phan 25m.

302100000 +100b+¢ | q=——
, 400 1
Suyra:i—=0 Sib=0 =(P):y=—x>+5.
Y24 (P):y=200
c=5
S5=c¢

Khi 6, tong do dai cua cac day cap treo bang OC +2 y+2y,+2y,

=5+2 L.252+5 +2 L.502+5 +2 L.752+5
400 400 400
=78,75(m).

Caud. Mot doanh nghiép tu nhan A chuyén kinh doanh xe gin may cac loai. Hién nay doanh nghiép
dang tap trung chién luoc vao kinh doanh xe hon da Future Fi v6i chi phi mua vao mét chiéc 1a
27 va banra voi gia 1a 31 triéu dong. Vi gia ban nay thi s6 luong xe ma khach hang s& mua
trong mot ndm 1a 600 chiéc. Nhim muc tiéu ddy manh hon nita luong tiéu thy dong xe dang in
khach nay, doanh nghiép dy dinh giam gia ban va udc tinh ring néu giam 1 triéu dong mdi
chiéc xe thi s6 lugng xe ban ra trong mot nam 1a s& tang thém 200 chiéc. Vay doanh nghiép
phai dinh gia ban mai 1a bao nhiéu dé sau khi da thuc hién giam gid, 1o nhuan thu duogc s€ 1a
cao nhat.
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Cau 5.

WEB: TOANTHAYCU.COM
A. 30 tri¢u dong. B. 29 triéu dong.

C. 30,5 triéu dong. D. 29,5 triéu dong.
Hudéng din giai

Chon C.

Goi x dong la so tién ma doanh nghiép A dy dinh gidm gid; (0<x<4).

Khi do:

Loi nhuan thu duoc khi ban mot chiée xe la 31—-x—27 =4—x .

Sb xe ma doanh nghiép s& ban dugc trong mot nim 1a 600+ 200x .

Loi nhuan ma doanh nghiép thu dugc trong mot nam Ia

f(x) =(4-x)(600+200x) = 2005 +200x + 2400 .

Xétham sb f(x)=-200x>+200x+2400 trén doan [0;4] c6 bang bién thién
1
Vay max f(x)=2450 & x=—.
2y max f (x) 5

Vay gia méi cua chiéc xe 1a 30,5 triéu déng thi loi nhuan thu duoc 1a cao nhét.

Khi qua béng duoc da 1én, n6 s& dat do cao nao dé rdi roi xudng dat. Biét rang quy dao cua
qua 1a mot cung parabol trong mit phang véi hé toa d6 Orh trong d6 ¢ 1a thoi gian , ké tir khi
qua bong dugc dé 1én; 4 1a do cao cia qua bong. Gia thiét rang qua bong duoc da 1én tir d6 cao
I,2m . Sau do 1 gidy, n6 dat 40 cao 8,5mva 2 gidy sau khi d4 1én, n6 ¢ d§ cao 6m. Hay tim
ham s6 bac hai biéu thi d6 cao % theo thoi gian ¢ va c6 phan d6 thi tring v6i quy dao cua qua
bong trong tinh hubng trén.
A, y=4.9+12,2t+1,2. B. y=—4,9+12,2t+1,2.
C. y=-4,9"+12,2t-1,2. D. y=-4,9-12,2t+1,2.

Hudéng din giai
Chon B.

Tait=0taco y=h=12;tait=1tacd y=h=8,5;tait=2,taco y=h=6.

1
i
Q

e e e == S

[

o

—

\ t
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Chon hé truc Oth nhu hinh vé.

Parabol (P) c6 phuong trinh: y =at® +bt+c, v6i a#0.
Gia sir tai thoi diém ¢ thi qua bong dat d6 cao 16n nhét A’ .
Theo bai ra ta co: tai =0 thi #=1,2 nén A4(0;1,2)e(P).
Tai r=1thi h=8,5 nén B(1;8,5)e(P).

Tai 1=2 thi #=6 nén C(2;6)e(P).

c=12 c=12
Vaytacohé: < a+b+c=85<=7a=-49 .
4a+2b+c=6 b=12,2

Vay ham sb Parabol can tim ¢6 dang: y=-4.9¢" +12,2¢t+1,2.
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Phin| HiNn HOC VA PO LUONG

Trang chuong IV, ching ta s& md ring khdi nidém tl 58 lwgng gidc cda géc nhon qua vidc thiét Lip cac gid trj lugng
qldc olka chc gbe tir 0° dén 1807 . Chiing ta cling 5 tim hifu vé cdc hié this luong co bin trong tam gidc, ou the 1
dinh li dsin, dink Ii sin, Gic cdng thiic tinh dién tich tam gide, déng thisi vin dung cic dinh 1i, cing thiic ndi trén

va0 cac bai todn gidi tam giac cing nh gidi quyét mat sa tinh hudng thy tién,

o~

Cidu Cin Tha bic ngang séng Hiw

o ;
| Hoc ¥ong chudng nay, ban cd the:

— Whian biét va tinh dugc gia trj lugng gidc cia mat goc troe dén 1807,

- Tinh dudc gid trf lugng gidc cia mot goc bl 0° @én 180° béng may tinh cam tay,

- Giai thich dugc hé thifc lién hé gitta gia trj lugng giac cba cac gac phy nhau,
b mhau.

- Gidi thich dugc cac hé thic lugng cobéan trong tam gidac: djnh i csin, dink i sin,
céng thic tinh dién tich tam giac,

— Ma ta duge cach gidi tam giac va van dung dugc vao vigc giai mat s bai todn
ot ndi dung thue tién,
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Bai 1. Gia tri luong giac ctia mot goc
tur 0° dén 180°

T khod: Gid tr] lweng gidc: sin; obsing tang; cotang.

Lam thé nao d& mé ring khai niém ti 56 lugng giac clia gdcnhon
cho cic goctit 0° dén 180°7

1. Gia tri lu'g'ng giac

ﬂ Tru:mg miat phing toa di:u Choy, nita duomg ton
am ¢ ban kinh R = | nam phia trén troe hoanh

dll't,ﬂ.- goi la mim duomg trém dom vi: Cho trisde mat
goc nhon o, iy didm M trén mia dudmg teon donv
gao cho »OM =g Gii sir difm Mo toa dﬁil:.tu',_j"].
Ap dung cach tinh che tl 56 lugng giic ola mat

goc rihon 3 hoe & 1op 9, chig 16 ting, Hink 1
L Ya _—
— 5! . = ey === ot = —
EITHEE = 1.“ SO0 .ﬂn, ATRCL - i 1.'"

M rimg kv niém ti 56 huomg glie Aérvon goc nlaon eho hilng goc & bit ki van 07 < o < 1807,
ta co dinh nghia san diy;

£+ 3

® Voi mdi géc a (0" = a< 131]"} ta xac dinh

A

dirge mot dism Af diy nhat trén nin diong P
tron dom vi sao cho xOM = . Goi {x:») la
toa do diem A ta co: S
— Tung 46 v, ciia M 14 sin cia goe @, ki hiéu li i

=4} : a&
EIIH!I'.I s . ; . Mo =L X e B
— Hoanh d6 x_ cia M 1a edsin ciia goc o, ki hugu
lacosa=1x ; Hinh 2

~Tisb 22 (x, = 0) 14 rang cia goc o ki hidu la tane = 22,
X Xy

—Ti s 2L (3. #0) la ctang cia goc o, ki hidn la cota= —=
¥ /

= -1"I'|

(Cac 50 sina, cosc, tanc, coto dwge goi 1h cac gid iri ligmg gide eia goe o
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Vidu 1
Tim cac ga trg hoomg gac cua goe 120°
Gt
Wb
Liy diém A trén mim duémg tron don vi sao cho i f
YOM =120°. Ta ¢d MOy =120° — 90" =30° |
Ta tinh duve toa 36 didm M1 _'£| |
j. 7
LI S ] B [0
Vay theo dmh nghia ta co; ! &) T
Hinhk 3

. 3 1
ainl20° = e 031 20° = =

' 5

tan120" = -3 cot120° = -

Chi y:

o) Meu a la goe nhon thi cae gia tr hugng giae ois o déu duoong.
Neu  1a goe i thi stne = 0, eosa < 0, tane < 0, eota < 0)

b} tana chi xéc dinhkin o = 90°
cota chi xac dinhokln o =0 va o = 180°

al Tim cée gra tr o miae el goe 135°

2. Quan hé gilra cac gia trj lwg'ng giac cua hai géc bu nhau
Tir lép chrcn ta i bigt hai goc phae sfeane thi cice fi 56 hromg giac ciia ching co mai lign hé

s MW" - o) = codos, cos(00"— o) = sma,

tan(90" — o) = coto, cob{90" — o) = tana.

Sau iy ta 58 tim hien ve moi lign hé gifta cac gia i luong guic cia hai goc bk nliau

A
ﬁ} Trén mra dimg trén dom vi, cho day cung 1
NAM song song van true O (Hinh 4). Tinh n i
tong s6 do ciia hai gée 0OM va xON l '
| X o 1; 1 :’.
Hinf 4
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Néu xOM = a thi 1a o TON = 180" —a,

Gia sir diem M e6 toa d5 (x v ). Do X =X, =XV, =¥, =¥, nén ta cocac inh chit sauw
E Vin mot goc o thod mén 0" < @ < 180% ta ludn co:
anf 1 80° — o) = snoe cos( 180" = o) = ~co8m;
fan 1 80° — o) = —tana (e = 907): cot{ 180" =) = —oate (0 < o < 1807,

Vidu2
. | V2 R
Chio biet sm30° = —, cosd5"= = tanG0® = f3. Tinh sinl 50%, cosl 357, tan120",

Crieii

1 s 2
ginl30" = sin30" = =i eos 135" = —cosdd° = -é. tanl 20F = ~tand 0" = 3

= =

az Tinh cac gia tn hromg pac: sinl 20 cos150%; cot] 35",
@l L"hubié[sim:lﬁ%-ﬁmgﬁ;u{ﬂ“ﬁuﬂlﬂﬂ‘}hﬁngnﬁnhﬁnhd:ﬁrgtrﬁndmw

3. Gia tri lu'e'ng gidc cia mét sé géc dac bist
G tr Iugng gide o che goo Lt ki oo the tinh bing may b cém tay.
Duin didy 1 bing gia tn higng gae i mdt 56 goe die bigt,

o o0 | o3on | a8t | oeo” | set | 120° | 135 | 1500 | 180
(na tn lirong mac

Hime 4]

Ml [l
1= | )%
— | =I5

s

oltn | ol | 1=

|

S |ul%n| vl -
=
.

coto ]

wl|%
|
4

Chi y: Trong bang, ki huén =™ & chi gia tn luong @mac khong xac dinh

@3 Tinh: A =z:ml50"+ tanl 35" + cotd5"; B=2cos30" — Manl 50" + cotl35°
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@ Tim goc o (0" < o < 180 trong ma troong hop san
B A

ﬂ}mnu=7'. b) coso = - ¢) tanc = -], d) cotoe = —3

4. Sir dung may tinh cém tay dé& tinh gid trj lwgng gide cha mét géc
(6 ntuen loa may tinh cam tay co the ginp tinh nhanh chong gia tn luong giac cia mot goc
Chéng han. ta co the thire luén trén mdt lom may tinh cam tay nlur sau:

San khi md may, an lién tiép cac phim da 1 Input/Output '
et hinh hidn 120 bang lra chon 2:Angle Unit
An phim [2] d2 vio che d6 cai dat don v do goc. E:E}.’:;};ﬁ;el:n gﬁﬁu 1
An tiep phim [T 42 xac dinh don vi do goc i 86 é:ggg{gﬁ

3:Gradian

An cae phim W8 (3] 32 vao ché 45 tinh toan,

, -
| Tinh céc gia tril idc cla géc LIIH|.ig |[==
a) Tinh cac gia tri luong gléc cua g _ |t &
Vidu 3 1:Calculate
Sir dung may tinh cam tay, tinh sl 2573428"

Cricti
P tinh sin125°34'28" ta an lién hiep cae phim san-day 9 2
EIEANEDEDEEEEDE [sin(i25°34°28°)

'l.fé_l]lmc két qui smi25"34'28" = 0,8133603236, vin
huen thy trén man binh nlar hanh ben

0. 813360323

Be tinh coso, tanc ta ciing lam nhar trén, ch thay plum bang phim [ces), [tan].

Trirmg hiop muon tinh cote, ta tinh : ;
tano

b) Xéc dinh 56 do cua gdc khi biét gia tri lugng glac cha goc dé

Vidu4

Sir dung may tinh cam tay, tim a (0° < o < 1807) bigt coso = -0, 2341

Criii

D& tim o khi bigt cose = —-0,2341, ta dn lién 11E-p cac phim san day:

EECDODEADONEE  |cosi(-0.2341)

va duoc ket qua a= 103"32'19", von luen thi trén man

hinh nbur barth ben 103°32' 18, 88"
Pe tim o ki bigt sinee, tanc ta ciing lam tuong tir ndur trén, chi thay phim béng cac phim

[sin], [tan].
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Q a) Tinh cos80°43°51", tan1 471 225", cot 99°9'19°

b) Tim a (0" < & < 180"), hiét cosa = 0,723,
BAITAP
! V3

l. Cho gt sin30" = —., sl = —, tand5" = 1. S0 dung mai lién hé gira cac ma n luoong

=

1o

giac ciia hai goe b nhan, ph nhao 32 tinh gia tn eGa F = 2e0s30°+ sinl50° + tanl 35",
2. Clumg mmh ring:

a) sim20% = sinl 60 b) cos)" = -cos1307,
3. Tim goc o (0 < o = 1807) trong mat tnomg hop saw

a) cosm = —=—, b)) ama = 0;

¢) taniz =1, d) cotee Khong xac dinh

4. Cho tam grac ABC. Chimg minh rimg:

a) aind =sinfB + C); b) cosd = —cos(A + )
5, Clumg manh ring vén mot goc @ (0° < o < 1807, ta déu co,
a) costa + anfo =1 b) tanee ccotee = 1 (0" <@ < 180°, e = 907);
: 1
) 1+ tan' o — [. {o < 90, dy I+ oot — ——— (0%< . < 1807
COE" L Sl

2
6. Cho goc o von cosa "_-,; Tinh ga by cia e thire 4 = 2o + Scos'n

7. Ding miay tinh cam tay, hay thue hidn cac yéu can dudt day:
a) Tinle sml68°45'33%, cosl 7"22'35", tan1 56°26°30%, cot56"36"42"
b} Tim e (0F < @ < 1807) tromg cac nromg hop san
1) it = 0 862, 1) cose =—0,567, 1) tange = 0,334

Dang 1 : Xac dinh gia tri lugng gidc ctia géc dac biét.

1. Phwong phap giai.
e Su dung dinh nghia gia tri lugng gidc cua mdt goc
e St dung tinh chit va bang gia trj luong giac dic biét
e St dung cac hé thic lugng gidc co ban

2. Cac vi du.

Vi du 1: Tinh gia trj cac biéu thirc sau:

a) A=a’sin90° + b cos90° + ¢” cos180°

b) B=3-sin*90" +2cos”* 60° —3 tan” 45°

¢) C =sin’45° —2sin” 50° + 3 cos’ 45° —2sin” 40° + 4 tan 55°.tan 35°

Loi gidi
a) A= a2.1+b2.0+cz.(—1) =a’-c’
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2 2
b) B:3—(1)2+2(lj —3(£J =1
2 2
¢) C =sin’45° +3cos’ 45° —2(sin2 50° +sin’ 40°)+ 4tan 55°.cot 55°

2 2
C:(%] +3(%J —2(sin” 50° + cos’ 40°)+4=%+%—2+4=4
Vi du 2: Tinh gia tri cac biéu thirc sau:
a) A=sin’3" +sin’15° +sin”> 75" +sin” 87°
b) B=cos0° +c0s20° +cos40° +...+ cos160° + cos 180"
¢) C=tan5’tan10° tan15°...tan 80° tan 85°
Loi gidi
a) A= (sin2 3° +sin? 870)+(sin2 15° +sin’ 750)
= (sin2 3 +cos’ 30)+(sin2 15° + cos’ 150)
=1+1=2
b) B= (cosOO +cosl80°)+(cos20° +cosl60°)+...+(00580° +coleO°)
= (cos 0° —cos O°)+(cos20° —cos20°)+...+(cos 80’ —cos80°)
=0
c) C= (tanS0 tanSSO)(tanISO tan 750)...(tan 45° tan45°)
= (tan5° cotSO)(tanISO cot5°)...(tan 45° cotSO)
=1
Vi du 3: Tinh theo ham s luong giac cta cac goc bé hon 90°:
sin100°, sin160°, cos170°, tan103°45"', cot124°15".
Loi gidi.
sin100° = sin(180° —100°) =sin80°;
sin160° =sin (180° ~160°) = sin 20°;
tan103°45' = — tan (180" 103°45") = tan 76°15'
cot124°15'= —Cot(180° —-124°15 ') =—cot55°45'

WEB: TOANTHAYCU.COM

Dang 2 : Xac dinh gia tri ciia mot biéu thirc lwong gidc c6 didu kién.

1. Phwong phap giai.
e Dua vao cac hé thure lugng giac co ban
e Dua vao ddu cua gia tri luong giac
e St dung cac hing dang thirc dang nhé

2. Cac vi du.
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) 1 .
Vidu 1: a) Cho siner = véi 90° < <180°. Tinh cosa va tana

b) Cho cosa :—2 . Tinh sina va cota

c¢) Cho tany = —242 . Tinh gia tri lugng giac con lai.
Loi giai

a) Vi 90° < ¢ <180° nén cosa <0 mit khac sin’ o +cos’ @ =1 suy ra
cosee = —Tsint e =11 =22

1

, sin o 3 1
Do d6 tana = = =_
cosa 2\/5 2\/5
3

S

4 5 cosa 2

b) Vi sin’ @ +cos’ @ =1 nén sina =+1-cos’ a = 1—5 =3 va cota =

5

sin

w‘&\‘w

N
c) Vi tany:—2\/§<0:>cosa<0 mit khac tan’ o +1= 12 nén cosa:—\/ 12 :—\/ ! :—l
cos” a tan"+1 8+1 3

, sin
Tacod tana =

1)22\5

=sina =tana.cosa = —2\/5.(—3

cos & 3
1
—cotg="8%__ 3 __ 1
sina & 22
3
. t + t
Vi du 2: a) Cho cosa=> véi 0° <@ <90°. Tinh 4= Pna*3cota
4 tan & + cot
b)ChO tana:ﬁ_Tinh B=— . Slna—Scosa .
sin" o +3cos’ a+2sina
Loi giai
1
tana +3 5 )
a)Tacod A= tan o :tan2a+3: oS la e 2ees’ g
tan o + tan” o +1 :
tan o cos’ a
9 17

Suyra 4=1+2.—=—
16 8

sm30{ - coia tanoz(tan2 o +l) —(tan2 o +l)
b) B= cos’a  cos’ _
sin’ o Jr3COS306 2sina tan3a+3+2tana(tan2a+l)

cos’a  cossa  cos'a
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J2(2+1)-(2+1)  3(V2-1)
W2+3+2V2(2+1)  3+8V2

CAU HOI TRAC NGHIEM

Suyra B =

Cau 1: Cho hai goc & va f véi a+ #=90". Tinh gié tri cia biéu thirc P =sin a cos 8 +sin Scosa .
A. P=0. B. P=1. C. P=-1. D. P=2.
Loi giai
Chon B
Hai goc a va £ phu nhau nén sina =cos f;cosa =sin f5.
Do d6, P =sinacos B +sin Bcosa =sin’ a+cos’ a =1.
Céu 2: Cho hai goc @ va B véi a+ B =90". Tinh gia tri cia biéu thirc P =cosa cos f—sin Bsina .
A. P=0. B. P=1. C. P=-1. D. P=2.
Loi giai
Chon A
Hai goc a va £ phu nhau nén sina =cos f;cosa =sin f.
Do d6, P=cosacos f—sin fsina =cosasina —cosasina =0.
Céu 3: Cho « 1a goc ti. Khang dinh nao sau day la dung?
A. sina <0. B. cosa > 0. C. tana <0. D. cota > 0.
Loi giai
Chon C
Lay goc a =120° sau d6 thir nguoc

Céu 4: Cho hai goc nhon « va S trong d6 « < 4. Khing dinh nao sau day 1a sai?

A. cosa <cos f. B. sina <sin .

C. cota >cot f. D. tana +tan S > 0.
Loi giai

Chon A

Lay o =30"; 8 =60" sau d6 thir nguoc.

Cau 5: Khang dinh nao sau day sai?

A. cos75 >cos50". B. sin80" >sin50".

C. tan45 <tan60". D. cos30 =sin60".
Loi giai

Chon A

Trong khoang tir 0° dén 90", khi gia tri ctia goc ting thi gia tri cos twong Umg cua goc do
giam.
Céu 6: Khing dinh nao sau day dung?
A. sin90" <sin100". B. c0s95 > cos100".
C. tan85 <tanl25". D. cos145 > cos125".
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Loi gidi
Chon B
Trong khoang tir 90" dén 180", khi gia tri ctia goc ting thi:
- Gia tri sin twong Ung cua goc doé giam.
- Gia tri cos twong Ung cua goc doé giam.

Céu 7: Khing dinh nao sau day dung?

A. sin90" <sin150". B. sin90'15' <sin 90730’

C. c0s9030" > cos100". D. cos150" > cos120".
Loi gidi

Chon C

Trong khoang tir 90" dén 180", khi gia tri ctia goc ting thi:
- Gia tri sin twong Ung cua goc doé giam.
- Gia tri cos tuong Ung cua goc do giam.

CAu 8: Chon hé thirc dung duoc suy ra tir hé thitc cos® o +sin’ a =1?

. 1 . 1
A cos? L hsin? %=1, B. cos’ L 4sin? & =2,
2 2 2 3 3 3
. 1 .
C. cos? E 4sin? & =_. D. 5| cos? £ +sin? L | =5.
4 4 4 5 5

Loi giai
Chon D

1A , . (24 .
Tur biéu thirc cos®  +sin” o =1 ta suy ra coszg+sm2g:1.
e a . ,a
Do d6 ta c6 5(0052 g+sm2 gj =5.

Céiu 9: Cho biét sin% -3 Gia tri cia P = 3sin’ %+ 5cos’ % bang bao nhiéu?

A p=105 B. p=107 c.p=19 p. p=11

25 25 25 25

Loi giai
Chon B
Ta c6 biéu thirc sir12g—i—cosZg:1©c0522:1—sin2g:E.
3 3 3 3 25
2
Do d6 ta co P_3sinzg+5c0523—3.[§] +5.§:m.
3 3 5 25 25
CAu 10: Cho biét tana = —3. Gia tri cia P:ésma_—km béng bao nhiéu?
6cosa+7sina

4 5 4 5
A. P=—. B. P=—. C. P=—. D. P=——.

3 3 3 3

Loi giai
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Chon B
sina_
TacéP:6sma77C(.)so¢: cosa :6tana77:§.
6cosa+7sina 6+75111a 6+7tana 3
cosa

cota+3tana

Céu 11: Cho biét cosa = —%. Gidtricua P= bang bao nhiéu?

2cota+tana
A p=_12 B. p=12 c.p=2 D pP=_2
13 13 13 13
Loi giai
Chon B
Ta c6 biéu thirc sinza—i—cosza:lésinzazl—coszazg.
- 2 .5
; c9sa+3sma X s [_] 132 0
Taco P— cota+3tana _ sina cosa _ COS at3sin"o {3 9 _5
2coto+tanar ,C0sa  sina 2cos’ a+sin’ o 5 2% 5 13
sina cosa 3 +§

Céu 12: Cho biét cota =5. Gia tri cla P =2cos® o+ 5sinacosa +1 bang bao nhiéu?

A, p=10 B. p—100 c.p=20 p. p— 10
26 26 26 26
Loi gii
Chon D

2

. . . cos” « cosa 1

Tacd P=2cos’ a+5sinacosa+1=sin’ a|2——S—+5—"—+—
sina  sina  sin’a

3cot’ a+5cota+1 101

2cot’ a+5cota+1+cot> a)= =—
( ) cot’ a+1 26

T 1tcotla

Céu 13: Cho biét 3cosa—sina =1, 0° < <90°. Gia tri cia tana bang
A. tana:i. B. tanazi. C. tanazi. D. tanazé.
3 4 5 4

Loi giai
Chon A
Ta co
3cosa—sina =1<>3cosa =sina+1—9cos’ a = (sina +1)°
<:>9coszoz:sin20{+2sin05+1<:>9(1—sin2 a):sin2a+2sina+1

sina =-1

< 10sin’ o +2sina-8=0<| 4 .|
smazg

- sina =—1 : khong thoamin vi 0 <a <90".

sina 4

. 4 3
-siInag=—=>cosa=—=tana = =—.
5 5 cosa 3
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CAu 14: Cho biét 2cosa++2sina =2, 0° <a <90°. Tinh gid tri clia cotov.

A. cota:TS. B. cotazg. C. cota:g. D. cota=—"—
Loi giai

Chon C

Ta co 2C0$Oz+\/§SinOL:2<:>\/§Sinoz:2*2COSOzHZSinza:(ZfZCOSOz)Z

< 2sin’ o« =4 —8cosa + 4cos’ « <:>2(17cos2 a):478coso¢+4cosz a

cosa =1

< 6cos’a—8cosa+2=0< 1.
cosq = —

e cosa=1:khong thoa man vi 0° < a < 90°.

coso \/E

1 . 242
° cosa=§:>smoz:——>cotoz: =—

sinae 4
Cau 15: Cho biét sina + cosa =a. Tinh gia tri ciia sinacosa.

A. sinacosa = a’. B. sinacosa = 2a.

2 2
. a —1 . a —11
C. sinacosa = S D. sinacosa = .

Loi gidi
Chon C

3 . . 2 2
Ta co sina+cosa=a— (sina+cosa) =a

<14+ 2sinacosa =a* < sinacosa =

a*—1

A <A . 1 .7 . 5 < A
Cau 16: Cho bi€t cosa +sina = 3 Gia tri cia P =+/tan’ a+cot’ o bang bao nhiéu?

A p=2 B. p=_. c.p=2 p. p=11
4 4 4 4
Loi giai
Chon B
, . 1 . 2 1
Ta co cosa+sma:§—>(cosa+sma) =3
) 1 ) 4
<:>1+2s1nacosa:§@smacosa:——.
Ta cd P =+/tan’ o+ cot a—\/tana~|—cota) —2tanacOta_\/[51na+c05a] 5
cosa sina
sin® a4cos’ | [ ] 9 [2]221
sin v cos a sin v cos o 4 4’
Céu 17: Cho biét sina—cosa_T atri cia P =+/sin* a+cos’ o bang bao nhiéu?
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Loi giai
Chon B

;. 1 . 2 1
Ta c6 sina—cosa =— — (sina—cosa) =3

J5

. 1 . 2
< 1—-2sinacosa :§<:) smacosa:§.

, , . 2 .
TacO P=+/sin* a+cos*a = \/(sz a + cos? a) —2sin’® acos® o

= \/1—2(sinacosa)2 =
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Bai 2. Dinh li césin va dinh li sin
T ko Binh i cosin; Binh b sin; Dién tich tam gidc; Cong thiic tinh dién tich tam gide.

® Lam thé nao A& tinh 44 dai canh chiia bigt cia hai tam giac dudi diy?
.
N |

&0

A ] B £

1. Binh li césin trong tam giac

ﬂ a) Cho tam e ABC khéng phi 1 tam guie

viong von goe A nhon va C>B. Vi diimg
can O wa dat _lé:nﬂac: dd dan nbur romg Hinh |
Hay thay . bang chit cai thich hop dé chimg

minh cing thite o = b* + ¢* - 2becosd theo gon Hlrh 1

¥ sal

X6t tam gide vudng BCD ta oo a’ = d* +(c—x =d* + &'+ & — 2xc. (1}

Xét tamn gide vudng ACD ta ot P =d* + ¥ = d* =4 —-x' (2}
cogd = % =a.=bcnsf-1. (3)

Thay (2) va (3) vao (1), ta co: a* = b + ¢* — Lecosd,
Lame yr Néu B >C thi tave duromg cao 8D vi clumg e

mmunh tuomg fr
b) Cho tam giac ABC voi goe At Lim fuong tnbir
trgn, chimg minh rang ta ciing co:

a* = b+ ¢ =2beuosd n

a
L |

, - B i, o X E+X
Larm v ¥ la gog tinen cosd = = Hini2

¢} Cho tam gide ABC Visbng tai4 Hiy ehimg 16 cng thirc & = " + ¢* - 2becosd ed
the viet la o = b3+ &
Binh i cosin
* Trong tam gidc ABC v BC =g, Cd=b, AB= ¢ ta ok
=0+ e —2heeosd:
b=+ gt —Jegcosh;

=g+ b —Yahoosl

Tir dlinh li edsan, ta co hé qua san day,

Hé qui
:q mH:&:+c1-n:_ msﬂ=c:+n:—b: __,=n!1+3.|1—.|:":
e 2ca ’ Zab
Vidu 1

Cho tam grac 4BC co € =115, AC =8 va BC = 12. Tinh d6 dai canh 4B va cic
goc . B ova tam gac do
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Cridi
Theo dinh I ¢osin. ta co:
AB'=BC*+ AC 2. BC AC cosC
=12°+8*-2.12 8 cosl] 5"

= 289, 14

Hinh 3
Viy 4B = J289.14 = 17
8 g IR 2 AB*+AC*-BC* 17 +8-12°
Theo he qua ciia dinh li cosin, ta co cosd = 3 e w0, 7684

2. AB AC 2.17.8

Suyra A =397, B =180°~( 4 + C )= 2513

Tinh cac canh va cac goc clnr biét ciia tam gac ABC
trong Hinh 4

Hirh 4

@ Tinh khoang cach giita hai didsi o hai dau cia mit 1o minde, Bict tir mdt diem cach hai
i i lan Tt i 800 m va 900 m ngurdd quan sat nhin hai didm nay i mét goe 700
{ Hinh 5)

2. Pinh li sin trong tam giac

ﬁi a) Cho tam giac A8C khong phai la tam @ac vaong ¢6 B0 =a, AC=b AB=cva R 1i
bém kinh ciia didmg tron ngoai tiép tam giae do. VE dromg kinh BD.

i) Tinh sin BDC theo ava R.
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it} Tim mé lign hé gifta hai goe BAC v BDC . Tir do chimg minh ring 2R = -ﬂ.,-
a0 -

Hirth 6a. Tam gidc ASC cd goc A nhon Hinh 66, Tam gidc ABC cd géc A th

b) Cho tam gisc ABC voi goc 4 vudng. Tinh sind va so sanh a vél 2R d& clime 6 ta

= e ; [#]
vin oo eong thae 2R =——
i

Tir ﬁz ta co dinh h sau
Pinh li sin

® Trong tam giic ABC vin BO = g, CA= b 4B = ¢, 14 oo

i & o
gnd  Ging 'a.‘:m_m‘

trong A6 R 13 ban kinh duong tronmgoat BEp tan gide ABC,

Tir dinh 1i san, ta e6 b queh san day;

Hé qui
‘ = -rz=lﬁ‘.¢ind; f=2Rank; &= 2RsinC,
5iI|.-I=%, =Ei?" sinf':;_%_
Vidu 2

Cho tam mac 4BC co 4 =72 B =83, BC=18. Tinh d5 dai cac canh AC, 4B va
ban kinh B cia duimg tron ngoad tiep tam gide 36

Bt a=BC, b=AC, c=AB

Taco a=18, € =180" - (72" + §3°) = 25"

a b s
A dinh li sin_ ta co = = =2R
p dyng s e and smf s
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Sy
mB 18.znE3" T
asI l5 510
AC = h=— = — —m | 8.8
sin.4 sin 72" [£3
. -
_iH:c::r%mf_ =13.s.1n_- =8
AL | sin 72° 30
18
B L
R= " = _IE =95 Hinh 7
Jend 2.sm72
A
@2 Tinh cac canh va cac gdc chira bist ol tam giac MNP
trong Hinh 8.
112
22
N P
Hinh 8

O Trong mét khu bao o, nguon ta xay dumg mot thap carth va ha bén chita nuwac 4, B
dé phong hoa hoan Tuﬂ:mpl:a.]ﬂ:, ngim ta pl'nthle.mhm chay va so ligu dua ve niur
Hinh 9. Nén din nmoe tir bon chira 4 hay 8 d2 dip tit dam chiy nhanh hon?

Bon chifa nwdc A

Hinh 9
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3. Cac cong thire tinh dién tich tam giac

WEB: TOANTHAYCU.COM

J24 Clio tam g ABC nitu Hinh 10 1
a) Viél cong thire Hnh dién tach 8 ooa tam glac A8C b
theo avi h, ef |k,
b) Tinh A_theo b va sin”
B :_r! -
¢) Ding hai két quéa trén d& chimg minh céng thire T
§= % aliady Hieth 10
d) Diing dinh li sin va két qué & cau ¢) & chimg minh cong thire § = %

ﬂ Clio tam gide ABC ¢6 BC=a, AC=b, AB= ¢ v
(£ r)1a dudmg tron ndi Gép tam gide (Hinh 11)
a) Tinh dién tich cac tam gac [BC, H4C, 4B
theorvaa, b, c
b) Dimg ket qua trén dé chimg minh cong
thire tinh digén tich tam giac ABC

§ - rla+b+e)
—-—-—2 |

Bimg chch Ap dung céc hié thire luong trong tam gifc, ta edthe im thém dree nliéo cong

thare tinh dién tich tamgae. Vi du- Thay A, = ¢ sinf vao cong thire timh dién tich 8= é.r:.l':n,,

ta duge 5= —:ﬂﬂﬁllLﬂ

Cho tam gac ABC Ta ka hien

# Ji_ b, h la 45 dal cac duong cao lan luot tmg véi cae canh BC, C4, 4B,
+ R la ban kinh diromg tron ngom tiep tam glac,

* r1a ban kinh dwomg tron nén fiép tam @iac.

* o la nira chn vi tam grac.

« §la dién tich tam giac.

Ta co cac cong thirc tinh dién tich tam gide sax;

1]S=lﬂ.ﬁ =lwaﬁ=id;; I)S=lﬁﬁﬁirﬂf=—lb¢5uﬂ=iﬂc~ﬂlﬂ+
- RS /i 2 2 2

1}3;.'1.,.,- 41 5=

3 im ] a=pr

5) 8 =y plp—alp—b)p—c) (cng thirc Heron)
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Vidu 3
Cho tam gidc ABC ¢d a = 23, b=2vi © =30".

a) Tinh dizn tich tam giac ABC
b) Tinh ban kinh duémg tron ngom tisp tam glac ABC

Crlidi

al sip dung cong thise S = é al &, ta oo

243.2

5 :{ 25 2 5in30" =

2
2

b) Ap dung dinh B cdsin, ta ot ¢ =a® +b° - JabcosC =12 4+4-2 252 =4

i
&3
Suy rae =2,

e e . R [ 2 -

; ) Wi sin, taco; R= = = =)

PEE Tang 2sud0" o L

Vidu 4

Cho tam gidc ABC g6 cae canhia =30, 5 =26, ¢ =128

) Tinals oy Gl Laen greac <8,

b) Tinh ban kinh dudme ton ngosi iép v bandkinh dromg tron ndi tiép tam gide 480
T

2 Tacop=—.(30+ 26 + 28)= 42

Ap dung cong thire Heron, ta oo

S = Jplp— alp—b)p—c) =242 - 30} 42— 26)(42— 28) = 336

abhe abe  30.26.28
biTaced S =—.51vra K= e
) AR 48 4.336
5 33
Talai 068 =pr, suy 1a r == 0 =§,
.ﬁ' .7

gi Tinh dién tich tam gric ABC va ban kinh duwong tren ngoai hep tam giac ABC trong cac
rromg hop saw
8) Caccanh =14, e =35va 4 =60°;
biCecranha=4.b=5¢=3.
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@é Tinh dién tich mdt canh budm hinh tam giac. Biet
canh buom do eé chien dail mét canh 14 3,2 m v hai
goc ke canh do co s0 do la 48° va 105° (Hinh 12).

BAI TAP

1. Tinh d¢ da canh x trong cac tam @de sau:

Rirt 13

2. Tinh 46 din canh o trong tam gide ABC & Hinh 14.
B

C 12 A
Wil 14

3. Cho tam giae ABC, bigt canh a = 152, B =79°, C =61°. Tinh céc goc, cac canh con I v
ban kinh dirimg tron ngoai tiep enia tam giac da

Gido vién cé nhu ciu sé hivu tron bé file word Bai gidng Todn 9,10,11, 12 cé 16i gidi chi tiét vui long lién hé zalo Trin
Dinh Cu: 0834 332 133 dé dwoc hé tro t6i da . “Trdnh mua cic trang va cdc cd nhan khac”
Phu huynh va hoc sinh c6 nhu cau tham gia cdc I6p todn chit lwong Thay Cu-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé truee tiép qua SPT:0834 332 133
Page 226



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

4. Mot edng vién co dang hinh tam giac vai cac kich thude nhur Hinh 15, Tinh 50 do cic goc
cua tam giac do

B BiKiim
Himh 15

5. Tinh dién tich mat 1a ed lunh tam giae ein ed 45 daa canh bén
la 20 cm va goc & dinh la 35"

6. Cho lam gic ABC coAB =6, AC=8 va A =60
)} Tinh dieén tich tam gac A BC
b) Goi Tla tam domg tron ngoa tiép tam gac ABC Tinh dién tich tam giac [BC

7. Cho tam pidc. ABC ¢b trong tam & va 43 d4i ba canh . 18, BC', (34 14n leot 14 15, 18,27,
a) Tinh cién tich va ban Ko dudng tion noi tlép tam glac ABC,
b) Tinh dién tich tam glag GEC.

8. Cho A, la duong cao ve tir dinh A, R la ban kinh duong tron ngoa tiép tam mac ABC
Climg mmanh he thire: #, = 2RsmBsind”

9. Cho tam giac ABC co gde B nhon, AD va CF |a hi dirtmg cao

Hink T

: s BD . BE
) Chamg mainh —82E -
L e e YR
b) Biet rang &, = 98, V& LE = 22 Tinh cosB va ban kinh deng tron ngoal tiép tam

grac ABC.

10, Cho i gac 101 ABCD b che duong cheo AC =x, BD = vva goc giim AC va BD hlﬁ:ug i,
Go1 8la dign tich cua hr gac ABCD

a) Chimg minh 8 -I_}-:qrsmu.

b) Nen ket qua trong tnromg hop AC 1L 8D
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B. CAC DANG TOAN VA PHUONG PHAP GIAL

WEB: TOANTHAYCU.COM

Dang 1: Sir dung dinh ly sin va dinh ly cosin

1. Phuwong phap.

DPinh li ¢6 — sin: Trong tam gidc ABC v61 BC =a,AC=b va AB=c.Taco

a’=b*+c*—2bc.cos A4,
b*=c*+a*>—2ca.cos B
¢ =a*+b* —2ab.cosC
Ta c6 thé suy ra hé qua sau
Hé¢ qua 1.

2 22

cosd= e -a
2bc

2 2 72

cosp S ta —b"
2ca

2 2 2

cosC oLt =
2ab

Pinh li sin : Trong tam gidc 4BC véi BC =a, AC =b, AB = ¢ va R1a ban kinh dudng tron ngoai tiép.

Tacs 4 = b € __2R

sind sinB sinC

2. Cac vi du.

Caul. Chotam gidc ABC, biét

a) a=12,b=13,c=15. Tinh d6 16n géc A.Db) AB:S,AC:8,2:600.Tinh canh BC

b et —a® 137415212

a) Taco cos 4= =

ra ;leOO

2bc

b) Tacé BC* = AC* + AB* —2AC.AB.cos A=8"+5°-2.8.5.cos60° =49 . Vay BC =7

Cau2. Cho tam gidc ABC, biét

a) A=60°,B=45°,b=4. Tinhcanh b va c.

b) 4=60°,a=6. Tinh R

a)Taco A+B+C=180"=C=180"-A—-B=75".
_bsinC _4sin75° <5

bsin4 _4sin60°
sinB  sin45°

a 6
2sind  2sin60°

Suyra a=

b) Taco R=

~4,9 va c

~3,5.

Cau3. Cho tam gidc ABC, c6 AB=8,AC=9,BC=10. Mot diém M nam trén canh BC sao cho

BM =7. Tinh d6 dai doan thang AM .

Loi giai.
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c+a*-b* 83

Taco cosB = =
2ca 160
A
B M e
Ap dung dinh li ¢6-sin cho tam giac ABM , ta co
AM? = AB* + BM* —2AB.BM .cos B=8" +7* —2.8.7.% = %

Viy AM =3,/6,1

Caud4. Cho tam gidc ABC,cd B= 600,6 =45°,BC=a
a) Tinh d¢ dai hai canh 4B, AC.

J6 -2
4

b) Chirng minh cos75° =
Loi gidi.
a) Taco A=180° (607 +45°)=75". Dat AC =b, AB = c. Theo dinh li ham s sin, ta cé

b a c a\/g _ ax/E

- =— =— .Suyra b=— ;0= —
sin60° sin75° sin45° 2sin75° 2sin75°
b)Ké 4H 1 BC do §,6 déu la gbc nhon nén H thudc doan BC, hay BC = HB+ HC.

Ta co HC=M;HB=£.
2 2
2
Suy ra a:HC+HB:b§+

V6442

Do d6 sin75° =— va

c_a«/€+a\/§

2 4sin75°

4

2
cos75° =+/1—sin* 75° = 1—{M] =% —2J12 =
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Dang 2: Str dung cac cong thirc lién quan dén dién tich tam giac

1. Phuwong phap.
Cong thirc dién tich tam giac
Véi tam gidc ABC takihi¢u &, ,h,,h. 1a do dai duong cao lan luot tuong ing véi cac canh BC,CA, AB ;

R,r lan luot 13 ban kinh dudng tron ngoai tiép, noi tiép tam giac ; p =%b+c la ntra chu vi tam giac ;
S 1a dién tich tam gidc. Khi do6 ta c6
S :laha :lbhb =lchc
2 2 2
1, . | 1 .
=—bcsin A =—casin B=—absinC
2 2 2
_abe
4R
:p]/'
=Jp(p=a)(p=b)(p—c)
2. Cac vi du.
Caul. Chotam gidc ABC, biét
a)a=7,b=8,c=6.Tinh § va h,.
b) b=7,c=5,cosA=%. Tinh S va R,r
Loi giai.
. 21
a) Ap dung cong thuc Hé-rong véi p=%b+c=?
21( 21 21 21 21415
Tacod S= —a)(p-b)(p—c)=—|—-T|| —-8||—-6|=
=0 = 227 2o 2o -2
Vi § :laha :>—21\/B :17.ha =h, :—3\/6
2 4 2 2
. 1 . 4
b) Ta cod 51112A=1—coszA=1—i=—6:>s1nA=— (visin4>0).
25 25 5
Ma S=lbcsinA=l.7.5.i=14
2 2 5

Theo Dinh 1i Co-sin ta ¢c6 a”> =b*+¢* —2bccos A=7> +5 —2.7.5% =32 =a=42

T&S:laha:h{l:§:£:7\/§
2 a 42 2
a W2 52

Theo dinh 1i sin: =— =
sin 4 2sind 5 4 2

5

Taco S=pror-s-_ 14 14 _ 7
P 5+7+4Y2 12442 6+242
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Cho tam gidc ABC, biét a=3,b=4,c=6. Tinh goc 16n nhat va dudng cao tuong ung voi
canh 16n nhét
Loi giai.
Tacd ¢ =6 1a canh 16n nhat clia tam giac, do d6 1a goc 16n nhat.
Ap dung dinh 1i ¢6-sin, ta c6 cosC = a’+b’ - = 34476 = —1
2ab 234 24

Ta co h, la duong cao ung voi canh 16n nhat. Theo cong thirc Hé-rong

= C~117°17

- b 13
s={p(r-a)(p-B)p-a) véi p= e

Nén S = 3 2_3 2_4 2—6 :‘/455
212 2 2 4
2

Tinh céc goc 4,B va h,,R cuatam giac ABC biét a =\/g,b =2,c= J3+1
Loi giai.
Theo dinh li ¢6-sin, ta co
2
B4+t — 42+(\/§+1) -6 1~
cos A= = =—=A=60",
2bc 22(3+1) 2

B+1) +6-4 .
cosB=( ) =£:>B=45”

2.(\/§+1).\/€ 2

h _25 _acsinB :csinB:(x/g+1)%

a
a a

Ap dung dinh i sin ta c6 _b =2R=R= b :l:\/i
sin B 2sin B \/5

Cho tam giac ABC ,biét a=21,b=17,¢=10

a) Tinh dién tich S cta tam gidc 4BC va chiéu cao h,.

b) Tinh ban kinh duong tron ndi tiép » va trung tuyén m,.
Loi giai.

at+b+c 21+17+10

2 2
Theo cong thirec Hé-rong, ta cod

S=p(p-a)(p-b)(p-c) =\24(24-21)(24-17)(24-10) =84

24

a)Taco p=

Do do: ha=§=&=8.
a 21
b) Ta cod S:pr:r=§:g=3,5.
p 24
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e A b*+c* a* 17*+10° 21> 337
Do dai trung tuyén m’ = —-——= -—= =84,25
2 4 2 4 4

Cho tam gidc ABC,co A=60°,b=20,c=25.
a) Tinh dién tich S va chiéu cao 7, .
b) Tinh ban kinh duong tron ngoai tiép R va ban kinh dudng tron ndi tiép r
Loi giai.
I, . 1
2) Ta c6 § = besin A = 5'20'35'? =175\3

Hon nita a® =b* +¢> —2bccos A =20% +35° —2.20.35% =925

Vay a=+925 ~30,41

Ttr cong thirc S =laha =h, _25 3503 ~ 19,94
2 a 925
b) Tir cong thire —— = 2R = R=—% Y25 17 56
sin A 2sin A \/5
Tir cong thic S = pr véi p =%b+c
203033

2§  bcsind

= = ~ 7,10
a+b+c a+b+c 925+20+35

taco r=

C. BAI TAP TRAC NGHIEM

Cau 1:

Cau 2:

Cau 3:

Tam giac ABC ¢c6 AB=5,BC =7,CA=8.Sbdo goc A bing:

A. 30" B. 45, C. 60" D. 90",
Loi giai
Chon C
~ AB*+AC*-BC* 5 +8-7" 1

Theo dinh li ham cosin, ta ¢c6 cos 4= —.
2AB.AC 2.5.8 2

Do d6, 4=60°.

Tam giac ABC c6 4B=2, AC=1 va A=60". Tinh d6 dai canh BC.

A. BC=1. B. BC =2. C. BC=42. D. BC =/3.
Loi giai

Chon D

Theo dinh li ham cosin, ta co

BC? = AB> + AC? —2AB.AC.cos A=2> +1> —2.2.1.cos60° =3 = BC =3 .

Tam giac ABC c6 doan thing ndi trung diém cua AB va BC bang 3, canh AB=9 va

ACB = 60" . Tinh d6 dai canh canh BC.

A. BC =3+34/6. B. BC =36 -3.
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C. BC=37. D. BC:%. )
Loi giai u
Chon A
Goi M, N lan luot 1a trung diém cua 4B, BC. B N c
—— MN la dudng trung binh cua A4BC.
—>MN:%AC. Ma MN =3,suyra AC=6.
Theo dinh li ham cosin, ta co
AB*> = AC* + BC* —2.AC.BC.cos ACB
< 9% =6+ BC*—2.6.BC.cos60°
= BC=3+3J6
Cau4: Tam gidc ABC c¢6 B=60",C =45 va AB=5. Tinh do dai canh AC.
A. AC=¥. B. AC =53. C. AC=52. D. AC=10.
Loi giai
Chon A
Theo dinh Ii ham sin, ta co A8 - 4C . 5 _ AC . 5V6
sinC sinB sin45° sin60° 2
Cau5:  Cho hinh thoi ABCD canh bing 1cm va cé6 BAD =60 . Tinh do dai canh AC.
A. AC=4/3. B. AC=+/2. C. AC=2/3. D. AC=2.

Loi giai
Chon A
Do 4BcD 14 hinh thoi, c6 BAD = 60° = ABC =120°.
Theo dinh li ham cosin, ta ¢
AC? = AB* + BC* —2.AB.BC.cos ABC
=12 +1>—2.1.1.cos120° =3 = AC =3

B
Aq c

D
Cau 6: Tam gidc 4BC c6 BC =10 va A=30°. Tinh ban kinh R cua dudng tron ngoai tiép tam giac

ABC .
10

A. R=5. B. R=10. C.R=—. D. R=10V3.
V3
Loi giai
Chon B
Ap dung dinh li sin, ta co BE\ =2R=R= BCA = ,10 = =10.
sin BAC 2.sind 2.sin30

Cau7: Tam gidc ABC cb AB=3, AC=6 va A=60°. Tinh ban kinh R cta duong tron ngoai tiép tam
giadc ABC.
A. R=3. B. R=33. C. R=+3. D. R=6.
Loi giai
Chon A
Ap dung dinh 1i Cosin, ta c6 BC? = A4B* + AC* —2AB.AC.cos BAC

Gido vién c¢é nhu cdu sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Pinh Cw: 0834 332 133 dé dwoc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh cé nhu cau tham gia cdc Iép todn chit lwong Thay Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé triee tiép qua SDT:0834 332 133
Page 233



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'I. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM
=324+6%—2.3.6.cos60° =27 < BC?> =27 < BC?* + AB* = AC*.

4c _

Suy ra tam gidc 4BC vudng tai B, do d6 ban kinh R = 3.

Cau 8: Tam gidc 4BC cd BC =2lcm, CA=17cm, AB=10cm . Tinh ban kinh R ctia duong tron ngoai
tiép tam giac 4BC .

A.Rzgcm. B.R:Zcm.
2 4
C.Rzﬁcm. D.R:Zcm.
8 2
Loi gidi
Chon C
bat p= w =24. Ap dung cong thuc Hé — rong, ta c6

Sause = p(p—AB)(p—BC)(p—CA) = \24.(24 - 21).(24 ~17).(24 ~10) = 84 cm”.

AB.BC.CA AB.BC.CA 21.17.10 85

Vay ban kinh cAn tim 13 S, .. =
o ase =R 48, 184 8 "

Cau9: Tam giic déu canh « ndi tiép trong duong tron ban kinh R . Khi d6 ban kinh R bang:

A.R:%. B.R_“*f.
C.R:ﬁ. D.R:&.
3 4
Loi giai
Chon C

Xét tam gidc ABC déu canh 4, goi M 1a trung diém cta BC.
2
4B —BM? BC = #.

ABBCCA _ , ABBCCA_ & _a\3

Tacd AM 1L BC suyra S, . :%.AM.BC =

N | =

Viy ban kinh can tinh 1a S, ,,. =

= = =
4R LSsme 4 a3 3
!
A . A . . . 12 \ 4B 3 ; . ; q
Cau 10: Tam gidc ABC vudng tai 4 c6 dudng cao AH =em va ~ o=, Tinh ban kinh R cua

duong tron ngoai tiép tam gidc ABC .

A. R=+/3 em. B. R=15cm.

C. R=2cm. D. R=3,5cm .
Loi giai

Chon A

Tam gidc 4BC vudng tai 4, c6 duong cao AH = AB.AC = AH® ().

2
Mit khac 28 =3 & 4p=3 4c thé vao (x), ta dugce 340 _[2] @AC:@.
AC 4 4 4 5 5
Suy ra ABz%.#z#éEC: AB? + AC* = 243.

Vay ban kinh cin tim 14 R = BTC —Bom
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Je-2
2

Tam gidc ABC c6 4B = ,BC=+/3,CA=+/2. Goi D la chan dudng phan gidc trong

gbc A.Khido goc ADB bing bao nhiéu do?

Cau 12:

A. 45, B. 60", C.75. D. 90".
Loi giai
Chon C
Theo dinh li ham cosin, ta co:
cos BAC - AB +AC*—BC* _ 1 A
2.AB.AC 2

— BAC = 120° = BAD = 60°
. 2 2 g2 -
cos ABC — AB+BC —AC* 2 o s
2.AB.BC 2 B > c

Trong AABD cO BAD = 60°, ABD = 45° = ADB =75° .

Tam giac AB vuong tai 4, duong cao AH =32 cm. Hai canh AB va AC ti 1€ voi 3 va 4.

Canh nho6 nhit ctia tam giac nay c6 d6 dai bang bao nhiéu?

Cau 13:

A. 38 cm. B. 40 cm. C. 42 cm. D. 45 cm.
Loi gidi
Chon B
Do tam gidc 4ABC vudng tai 4, co ti 1€ 2 canh goc vudng AB: AC 1a 3:4 nén 4B la canh nhé
nhat trong tam giac.
Ta cod QZE:ACZEAB.
AC 4 3

Trong AABC ¢6 AH la dudng cao

1 1 1 1 1 1 1 9
e—=——4 " = AB=40.
] 322 AB* 164B?

= 2 = ;T 2 = 7+
AH?> AB* AC*> AB [‘;ABZ

Cho tam gidc ABC ¢6 AB=33, BC=63 va C4=9. Goi D la trung diém BC . Tinh ban kinh
R cta dudng tron ngoai tiép tam giic ABD.
A.R:% B. R=3. C. R=3V3. D.R:g.
Loi giai
Chon B
, 2 2 2

Vi D la trung di€m cua BC = AD’ = 4B ;AC —BZ =27 = AD =34/3.

Tam gidc ABD ¢ AB=BD = DA =33 = tam gidc ABD déu.
Nén c6 ban kinh duong tron ngoai tiép 1a R = ?AB = £.3\/§ =3.

Cau 14:

Tam gidc ABC ¢6 AB=3, AC =6, BAC =60°. Tinh dién tich tam giac ABC .
93
A. Sy e =93, B. Suue ==
9
C. Sy =9. D. Syue =7
Loi giai
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Chon B
93

Tacod S, = %.AB.AC. sin A = %.3.6.5111 60° = =

Cau 15: Tam gidc ABC cb AC =4, BAC =30°, ACB=75°. Tinh dién tich tam giac 4BC.
A. S e =8. B. Sy =43
C. Sy pe=4. D. S, 0 =8V3.
Loi giai
Chon C
Ta c6 ABC =180 —(BAC+ ACB)=75°= ACB.
Suy ra tam gidc ABC cantai 4 nén AB= AC=4.
Dién tich tam gidc 4BC 13 S, ,. = %AB.AC sin BAC = 4.
Céau 16: Tam gidc ABC c¢b a=21, b=17, c=10. Dién tich ciia tam gidc 4BC bang:
A. Sy =16. B. S, =48.
C. Sy =24. D. S, =84.
Loi giai
Chon D
Tacod p:—21+127+10 =24.
Do d6 §=\/p(p—a)(p—b)(p—c)=[24(24—21)(24 ~17)(24-10) =84 .
Ciau 17: Tam gidc ABC c¢6 AB=3, AC =6, BAC =60°. Tinh do dai duong cao 4, cla tam giac.
A. b, =33 B. h,=+3. C.h=3. D. ha:%.
Loi giai
Chon C
Ap dung dinh Iy ham s6 c6sin, ta co
BC? = AB* + AC* —2AB.AC cos A=271——BC =33 .
Taco S, =~ AB.AC.sin A =~ .3.6.51n60° — 93 .
2 2 2
. 1 28
Laico S, ,. ==.BCh h,==—=3.
v AABC 2 a - a BC
Cau 18: Tam gidc ABC cO AC =4, ACB=60°. Tinh d6 dai duong cao /# uét phat tir dinh 4 cua tam
giac.
A h=23. B. h=443. C.h=2. D. h=4.
Loi giai
Chon A
Goi H 1a chan dudng cao xut phat tir dinh 4.
Tam giac vudng AHC , cb sin ACH = ’j—g—%ﬂ = AC.sin ACH = 4.? =2.3.
Cau 19: Tam gidc ABC cb a=21, b6=17, c=10. Goi B' 1a hinh chiéu vudng gbc ctia B trén canh AC.
Tinh BB'.
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A. BB'=8. B. BB':%"‘.
C. pp=168 D. BB =32

17 17

Loi giai
Chon C
Ta co pzmgﬂ:24.
Suyra S=p(p—a)(p—b)(p—c)=424(24-21)(24—17)(24-10) = 84.
Laicé S=25BB'« —-84=1 1788 pp' =%
2 2 17

Céau 20: Tam gidc ABC c6 AB=8cm, AC =18 cm va co dién tich bing 64 cm”. Gia tri sin4 ang:

A. sinA:E. B. sinA:E.
2 8

C. sinAzi. D. sinA:§.
5 9

Loi gidi
Chon D

Tacd S, = %.AB.AC. sin BAC < 64 = %.8.18.5111,4 & sind= g

Cau 21: Hinh binh hanh 4BCD ¢6 AB=a, BC =ay2 va BAD =45°. Khi d6 hinh binh hanh c6 dién tich
béng:
A. 24*. B. &2 C. 4. D. &*43.
Loi giai
Chon C

2

Dién tich tam gidc 4BD 14 S, ,,, = %.AB.AD. sin BAD = —.a.a/2.5in 45" = %

N | —

2
Vay dién tich hinh binh hanh 4BCD 14 S, = 2.8, = z."7 =

Cau 22: Tam giac déu noi tiép dudng tron ban kinh R =4 cm c6 dién tich bang:
A. 13 cm? B. 132 cm?
C. 124/3 cm? D. 15cm?.
Loi giai
Chon C
Xét tam giac ABC déu, co do dai canh bing a.
Theo dinh 1i sin, ta c6 _BC ke =24 < a=28.5in60° = 44/3.

sin BAC sin 60°
A s A s \ . =5 2 .
Vay dién tich can tinh 14 S, . = %.AB.AC. sin BAC = %(4«/5) sin60° =12+/3 cm?.

Ciu 23: Tam gidc ABC ¢ BC =a, CA=b, AB=c va c6 dién tich §. Néu ting canh BC lén
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2 lan dong thoi ting canh AC 1én 3 lan va giit nguyén do 16n ciia goc ¢ thi khi d6 dién tich ctia
tam giadc méi dugc tao nén bang:
A. 2S. B. 35. C. 4S. D. 6s.
Loi giai
Chon D
Dién tich tam gidc 4BC ban daula s = %.AC.BC. sin ACB = %.ab. sin ACB.

Khi ting canh BC 1én 2 lan va canh AC 1én 3 lan thi dién tich tam gidc ABC luc nay la

Suue = %.(3AC).(2BC). sin ACB = 6.%.AC.BC. sin ACB = 6S.

Cau 24: Tam gidc ABC c6 BC=a va CA=5. Tam gidc ABC c6 dién tich 16n nhat khi goc
C bang:
A. 60°. B. 90°. C. 150°. D. 120°.
Loi giai
Chon B

Dién tich tam gidc 4BC 1a S, . = %.AC.BC. sin ACB = %.ab. sin ACB.

Vi a, b khong d6i va sin ACB<1,VC nénsuyra S, ,,. gaz—b.

Dau "=" xdy ra khi va chi khi sin ACB =1« 4CB = 90".

Vay gia tri 16n nhit cua dién tich tam gidc 4BC 1a S = %b

Cau 25: Tam gidc ABC c6 hai dudng trung tuyén BM, CN vudng goc voi nhau va co

BC =3, goc BAC =30°. Tinh dién tich tam gidc 4BC .

3V3
AL Sppe =33 B. Sy =633 C. S =N3. D. Syume==""
Loi giai
Chon C
Vi BM L CN——5a> =b” +¢* . (Ap dung hé qua di cé trudc)
2

Trong tam gidc ABC,ta cO a’ =b* +c* —2bc.cos A = 5a’ —2bc cos A—— bc = 2aA.

CoS

2

Khi d6 S:%bcsinA:l. 2a sind=d’tan A=33.

2 cosd

Cau 26: Tam gidc 4BC cb AB=5, AC=8 va BAC =60°. Tinh ban kinh r ciia dudng tron noi tiép tam

giac da cho.
A.r=1. B. r=2. C.r=43. D. r=23.
Loi gidi
Chon C

Ap dung dinh 1y ham sé c6sin, ta co
BC? = AB* + AC* —2AB.ACcosA=49——BC=1.

Dién tich § = %AB.AC.SinA = %.5.8.% =1043.

Laico S=p.r—>r:§=L:x/§.
» AB+BC+CA
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Tam gidc ABC c¢6 a=21, b=17, ¢=10. Tinh ban kinh  cua dudng tron noi tiép tam giac da

A. r=16. B.r=7. C.r:%. D. r=38.
Loi giai

Chon C

Tacod p:Lgﬂozm.

Suy ra §=,/24(24—21)(24-17)(24 ~10) = 84.

Laico S:p.r—w:é:%zz
24 2

Tinh ban kinh » ctia dudng tron noi ti€p tam gidc déu canh a.

AL ,oaV3 B. V2 C. o3 D,
. T . 5 . . . et
Loi giai

Chon C
1 N 2
Di¢n tich tam giac déu canh a bang: S:af.
a3
Lai co S:pra—w:E:Lzﬁ.
p 3 6
2

Tam gidc 4BC vuodng tai 4 cO6 AB=6cm, BC=10cm. Tinh ban kinh » cta duong tron noi

tiép tam giac da cho.

Cau 30:
da cho.

A. r=1 cm. B. r=+2 cm.

C.r=2cm. D. r=3 cm.
Loi gidi

Chon C

Dung Pitago tinh dugc 4C=8,suyra p= wz 12.

Dién tich tam gidc vudng S = %AB.AC =24 Laicod S=pr——r= S_ 2 cm.
p

Tam giac ABC vudng cin tai 4, cd AB=a. Tinh ban kinh » ctia duong tron ndi tiép tam giac

A r=2. B. r=-2. C.r=—2_. D.r=2.
"2 2 242 3
Loi giai
Chon C

Tir gia thiét, ta cO 4C=AB=a vd BC=av2.

AB+BC+CA _ (2442

Suyra p=
yrap 2 2
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2
Dién tich tam gidc vudng S = %AB.AC = %.

. S a
Laicod S=pr—r="=———.
r 242

Cau31: Tam gidc ABC vudng cantai 4 vandi tiép trong dudng tron tim O ban kinh R. Goi 13 ban kinh

dudng tron noi tiép tam giac 4BC . Khi d6 ti sd R bang:
r

A 1442 . B, 2432 c. Y21 p, 142
2 2 2
Loi gii
Chon A
Giasit AC=AB=a——BC=a\2.Suyra R:%ng,
Ta & p:AB+BZC+CA:a 2+2J§ .

2
Dién tich tam gidc vudng S = %AB.AC = %.

a R
- . Vay S =1+42.
2442 2

Laicod S=pr——r=

SRS
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Bai 3. Giai tam giac va Uiing dung thuc té
Tui ke i Gidi tam gidc: Cic yéu td xac dinh tam gidc
Vit 561w o g bi mit bén bir song bt hinh v

bin, ban hiy giip nhdn vién da dac tink khodng
ciich giiia hai céi ciy bin kia bis séng.

1. Giai tam giac

*  Gidi tam gide 1a tim 56 do cac canh va cae goe con lai caa tam giac khi ta bidt duoe cac
yen to du dé xac dinh tam giac do.
P& gidi tam grac, ta thimg sir dung mét cach hop li cac hé fhic loong niur dnh i sin, dinh I césin
va cac cong thite tinh din tich tam gide.
Vidu1
Giai b gide ABC trong che tnromg hop saw
d) AB = 8BS, AC =95 vi A= 40",
bl AR = 15 4C =254 B =30
Criai
Bita=8C, b=AC, c=AB
a) Ta cin tinh canh ava haigoc B, ©
Ap dung dinh li coan, ta co:
=+l - Ihecosd =95+ 85 —2 95 85 cosd"= IRTE 38

Suy ra aw JI878, 38 = 62,3
Ap dung hé qua dinh 1i césin, ta co
a*+ - b 62,3+ 85 - 9§

COel = = w0 107
Qae 2.62.3.85

Suy ra B =T838, C = 180" —40° - 78°38'=61"22",

-

b) Ta cin tinh 6 dobagoc 4, B, C
Ap dung he qua cua dinh li coain, ta co:
Fie'—a' 254158307 1 -

=—— =5 4 =9340’
e 2.25:15 15

cosd =
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O SO | S S0 W
smAd =mn8 sIn93"4%' sn B

= B =565, C = 180° — 93°4% — 56°15' = 29°56"

Ap dung dinh li sin, ta co:

@ i tain grac ABC rong cac tromg hop sau
a)a=174; B = 4490, C =p4" bja=10.b=06,¢=8

2. Ap dung gidi tam gidc véao thyc té

Vin dung gl tam gific gitp ta gial quyet rit nhisu bai toan trong thue te, dic bist 1a trong

thiét ki vh xdy dimg
Vidu2
Mt drémg ham duge du kién xay dimg xuyen
qua mit ngon min. Be wde tinh chigu dai cia
i b, midt KT s d@ thoee loén cae phep do
va cho ra ket qua nhur Hinl 1. Tink clién dii aia |
duimg ham tir cae s0 ligu 3& kKhaosat duoe

Criai

Ap ching dnh li cosin trong tam giac 4BC, ta co-
AR =Cd'+ CB' -2 C4_CB cosC=38B" +213° -7 388 212 cosB2.4"= 173730,
sy radl = ..,i'i 73730 =417 (m)
Viiy duong lam din khodng 417 m:

Hirmh 1

Vidu3

Dé xic dinh chigu cao cha mot toa nha cao
tang, mit nguit &mg ta didm Af, sir ding
eiac ke nhin thay dinh toa nha vl goc nang
ﬁaﬂ = 84", ngum d6 hu ra xa mot khoang
cach LM = 49 4 m thi nhin thay dinh toa nha
vin goe ning RPA = 78", Tinh chidu cao cia
toa nihi, bigt ring khoang cach tir mét dit dén
ong ngam clia giac ke d61aPL = OM=12m Lwim MO
(Hinh 2). Himh 2
Gidi thich Goe nang 1a goe tao bii ta ngdm nhin 12n va diimg ndi ngang.

Cridi

Ta o PAQ = AOR - APR =84° - 78" =6°
Ap ching dinh 1 sin trong tam giac 4PQ, ta oo
A0 _ FQ 2 AQ PO :h_ig:Pr;':m?E

;o F

gmFP =nAd an 78" smng® gin G
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Trong tam giac vuong AQR, ta oo

. &Nn78" sng4” g 4. 878" sin84°
fm_‘rig_ﬂnmu__PG am_ smns4 __r1 : ﬁ:u_ s B
s 6" anb”®

Vay chién cao ciia tod nha la: A0 =A4R + RO = 460 + 1,2 =461.2 (m)

= 460 {m).

Vidu 4

Han tram quan sat o ha thanh plhfl Da Nang va Nha Trang
ddng thin nhin thiv mét vé tinh v goc ning lan luot 1a
75" v 60" (Hinh 3). V& tinh chch tram quean sat ta thimh
pho Pa Ning bao nhiéu kilomeét? Bigt ring khoang cich
aiita hai tram quean sat la 520 Jan.

Crileli
Goa A, B, C lan loot 1a cac diem bieu dign vi ti i thanh pho Ba Ning, Nha Trang va
vé tinh
Tach: © = 180°— (60" + 75%) = 45
Ap dung dinh li sin trong tam gac 4BC, ta ¢o:
_AB.&nB 520 sin60°

sint! sin45°

Vay vé tinh cach trm quan sat tal thanh pho Ba Ning khoang 637 k.

Vidu s T =

Hily gidi bl toan nduTa trong hoat dng khoi dong cila bai T = IS
Gidi = Hinh4

Gion vi 1 ciia ngeai do dac dime 1a didm A va gor B, C lan lut 1a vi tn hat can ciy bén

kia sdng Ta cd tam gite ABC vl AC=100m, AB=T5mva . 32°

Ap dung dinh 1i edsin trong tam giae ABC, ta eb:

BC'=4C°+ AR -2 AC AB cosd=100"+ 75 -2, 100 75 cos32"=~ 20043,

Suy ra BC = -.HIII G0 3 = 539 (m).

Viay lal cai cay bén kia song cach nha khedng 53,9 m.

AC

& 637 (km)

'.ﬁ Hai may bay eiing cat canh tr mot sdn bay nhimg i

bay theo hai nrdmg khic nhau, Mot chice di s

chiuven voi toc d5 450 kmvh theo huedng tiv va ;* z

chigc con la di ehuyén theo huong léch so vau H h

ety bée 25° vé phia tiy v tée d6 630 kmh :

(Hinh 5) Sau ™) phot, har may bay cach nhau bao Tiy _‘:

nhien kalomet? Gia sir chung dang o cing do cao 4 450kmh O
Hink 5

T
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@:‘ﬁ Trén bin do diali, ngréi ta thirdng Chin Boe
got 1t gide vai bon dinh lan luot
la cac thanh phd Ha Tién, Chiu
Boc, Long Xuyén, Rech Gia la tir
piac Long Xuven. Dura theo cac
khoang cach 42 cho tréen Hinh 6,
tinh khoang cach gifta Chiu Boc
vii Rach Gia,

T T

Rach tia
Hinh 6
L. Gaa tam giac ABC trong cac nrong hop san.
) AR = 14, 4C =13, 4 =125% b) BC=22. B = 64°, C =38,
Sy AC=22 B =120°, 0 =18 d)4B= 73 A€ =32, B =44,

2. Pélip dudme diy dicn cao the tirvi i 4 dénvifn B,
do phidi trasnh mdt ngon 0t nén ngwo ta phid nél
dudmg diy tir vi ti A dénov to © dai 10 km, san
o ndi diimg &y tievi tri © deén vy i B dad 8 km
(Goc tao bo hai doan day AC va CB la 70° Tinh
chifu dii ting thém vi khéng thé ndi trge tidp
tirAddén 8.

3. Mot ngeid dimg cach thin mat el quat gio 16 m
vi nhin thay tam cia canh quat val goe nang 56,5°
(Hinh 8), Tinh khodng cach tir tam cia canh qual
denmdt dit Cho bict khoang cach iy it cila ngiro
do dénmit ditlalsm

Hinh &
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4. Tinh chitu cao AB ciin mot ngon mi. Bist tai hai didm ', D cach nhau | km trén mit dat
(B. C, D thimg héng ), ngunr ta nhin thay dinh4 cda mi vé go¢ ndng Lin gt 1 327 va 40
{Hinh )

C Ykm D

Hink @

5. Mai ngwon quan sat khinh ki cau tad haa dia digm P va ©
nam o swon doi nghiéng 32° so van phirong ngang, cach
nhau 60 m (Hinh 10}, Ngwd quan sat tai P xae dnh goe
mang cia khinh khi can la 62 Cung lie do, ngin quan
sat tan € xac dinh goe nang olia Klunh ki can dd 15 707
Tinh khoang cach tir 7 dan khinh khi cau

Himh 10

f
]
]
Ll

6. Mot nguin ding & trén ot thip tyen hinh cao 352 m so
val mat dat. mmon xac dnh khodng cach grim hai ©ot moc
trén mit dat bén dudn, Mgl do quan st ﬂ:ﬁ‘;‘ goo- duge
tao bon hian diome ngime 10 hai moe nay 1a 43°, goc gitta
plusmg thing dimg vé duomg ngdm to mat didm moe trén
mit dat i 62° va dén didmmoe khac 1a 54" (Hinh 11). Tinh
khodng cach gitra hat eof moc nav

Dang 1: Gidi tam giac.

1. Phuwong phap.

e @Gidi tam giac la tinh cac canh va cac géc cua tam giac dya trén mot so dicu kién cho trude.

e Trong céc bai toan giai tam giac nguoi ta thuong cho tam gidc véi ba yéu to nhu sau : biét mdt canh va
hai

g6c ké canh d6; biét mot gbc va hai canh ké gbc do; biét ba canh.

Deé tim céc yéu to con lai ta si dung dinh li c6sin va dinh li sin ; dinh 1i tong ba géc trong mdt tam giac
bang 180° va trong mdt tam giac dbi dién v6i goc 16n hon thi c6 canh 16n hon va nguoc lai ddi dién véi
canh 16n hon thi c6 goc 16n hon.

2. Cac vi du.

Vi du 1: Giai tam gidc ABC biét b = 32; ¢ = 45 va A = 87".
Loi giai

Theo dinh li cosin ta co6

a* =b* +c* — 2bc.cos A = 32° + 4% —2.32.4.sin 87°

Suyra a ~ 53,8
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Theo dinh li sin ta c6

: : 0 ~
SinB:bsmA:3281r187 B~ 36"
a 53,8

Suyra C = 180" — A— B ~ 180" — 87" — 36" = 57"

Vi du 2: Gidi tam gidc ABC biét A = 60°, B — 40° va ¢ — 14
Loi gidi

Taco C = 180° — A — B = 180" — 60° — 40° — 80°

Theo dinh li sin ta c6

. . 0
. c§1nA:14.sm60 Lo~ 123
sin C' sin 80°

. . 0
b — CS.,lIlB _ 14..511(140 b0l
sin C' sin 80"

Dang 2: Xc dinh céc yéu to trong tam giac.

1. Phwong phap
e Su dung dinh li c6sin va dinh 1i sin
e Sir dung cong thirc xac dinh do dai duong trung tuyén va mdi lién hé cua cac yéu td trong cac
cong thuc tinh dién tich trong tam giéc.
2. Cacvidu

Vidu 1: Cho tam giac ABCc6 AB =4, AC =5 va cosA = g
Tinh canh BC, va d§ dai duong cao ké tir A.
Loi giai

Ap dung dinh li cosin ta co BC* = AB* + AC* —2AB.AC.cos A = 4> +5° — 2.4.5.% =29

Suyra BC = V29

Vi sin®? A+ cos> A =1 nén sin A = V1 — cos®> 4 1—%:§
Theo cong thirc tinh dién tichtaco S, ,, = AB AC.sinA = % 4. 5.% =8 (1)
Mt khic S, = o _1 J_ h, (2)

16+/29

29

Tir (1) va (2) suy ra %«/2_9h =8=h =
16329

29
Vi du 2: Cho tam gidc ABC ndi tiép dudng tron ban kinh bang 3, biét A = 30°, B = 45°. Tinh d¢ dai

Vay do dai duong caoké tr Ala h, =

trung tuyén ké tir A va ban kinh dudng tron ndi tiép tam giac.
Loi gidi
Taco C =180° — A— B = 180" — 30" — 45" = 105"

Gido vién c¢é nhu cau sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Pinh Cw: 0834 332 133 dé dwoc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh cé nhu cau tham gia cdc lép todn chit lwong Thay Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé truee tiép qua SPT:0834 332 133
Page 246



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Theo dinh lisintacd a = 2Rsin A = 2.3.sin30° = 3, b = 2Rsin B = 2.3.5in45" = 6.% — 32

¢ =2RsinC = 2.3.sin105" ~ 5,796

A ‘ . 2(b* +¢*)—a*  2(18+5,796*) -9
Theo cong thirc duong trung tuyén ta co6 m’ = M = 1 = 23,547

Theo cong thirc tinh dién tich tam gidc ta co

besin A 33/2.5,796sin 30°
2p 3432 +5796

Vi du 3: Cho tam giac ABC biét a = 2\/5, b = 2\/5, ¢ =6 — 2. Tinh goc 16n nhét cia tam gidc.

Loi giai

S ne :pr:%bcsinAér: ~ 0,943

Theo giai thiéttacd ¢ < b < a suyra C < B < A do d6 goc A 1a 16n nhat.
Theo dinh li c6sin ta co

b2+02_a2_8+(\/7—\/§>2—122_4_4\/5__1
2c 222 (V6-v2)  sf3-s 2

Suyra A = 120°
Vay goc 10n nhat 1a goc A ¢6 s6 do 1a 120°.

cos A =

Dang 3: Chitng Minh Pang Thirc, Bat Pang Thirc Lién Quan Pén Cac Yéu Té Cia Tam Giac, Tir
Giac.

1. Phwong phap giai.
e Dé chimg minh dang thirc ta sir dung cac hé thirc co ban dé bién doi vé nay thanh vé kia, hai vé
cung bang mot vé hodc bién doi trong dwong vé mot ding thire dung.
e Pé chimg minh bét ding thuc ta sir dung cac hé thirc co ban, bt déng thirc canh trong tam giac va
bét dang thuc ¢ dién (Cauchy, bunhiacopxki,...)
2. Cac vi du.
Vi du 1: Cho tam gidc ABC théa méin sin® A = sin B.sin C' . Chirng minh ring
a) a®> = bc
1
b) cos A > —
2
Loi giai

a) Ap dung dinh li sin ta c6 sin A = i, sin B = i,sinC =
2R 2R 2R

2
Suy ra sin’ A = sin B.sinC & 2= ii & a® = be dpem
2R 2R 2R

b) Ap dung dinh li cosin va cau a) ta c6

2 2 2 2 2 .
cosA:b +c a:b +c bcz2bc bC:ldpcm
2bc 2bc 2bc 2
, L , s b* + ¢ —a’
Vi du 2: Cho tam gidc ABC', chung minh rang: cot A = s
Loi giai:

Ap dung dinh 1i c6sin va cong thic S = %bc sin A ta co:
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cosd b+ —a® P+ —d
sinA  2besinA 45

dpcm

Dang 4: Nhan Dang Tam Giac

1. Phwong phap giai.

Str dung dinh i cosin; sin; cong thirc duong trung tuyén; cong thirc tinh dién tich tam giac dé bién doi gia
thiét v& hé thirc lién hé canh(hoac goc) tir do suy ra dang ctia tam giac.

2. Cac vi du.

Vi du 1: Cho tam giac ABC' thoa min sinC' = 2sin B cos A. Ching minh minh rang tam giac ABC
can .

Loi gidgi
Ap dung dinh li c6sin va sin ta c6:
2 2 2
sinC = 2sin Beos A & —— = Q.i.m
2R 2R 2be
=0+ —ad" < a=0b
Suy ra tam gidc ABC' céan tai dinh C.
Vidu 2: Cho tam giac ABC thoa man sin A = snB+sinC . Chirng minh rang tam giac ABC
cos B 4 cosC
vuong.
Loi giai
Taco: sinAd = smB +sinC < sin A(cos B + cosC) = sin B + sinC'
cos B + cosC
@i(CQ +a* =0 +a2+b2—02): b+c
2R 2ca 2ab 2R

S b(c® +a” =)+ cla® + b — ) = 2b%c + 2¢b

SV 4+ 4+be+b—ab—dc=0&b+c)VP+)—ad’(b+c)=0b 4+ =da® < AABC
vuong tai A.

Vi du 3: Nhan dang tam giac ABC' trong cac trudng hop sau:

a) a.sin A+ bsin B+ csinC = h, + h, + h,

2 2
C?S A+ C.OS B _ 1((:ot2 A + cot® B)
sin? A +sin? B 2

Loi gidi
a) Ap dung cong thirc dién tichta co S = %bc sinA = %aha suy ra
a.sin A+ bsin B+ csinC = h, +h, + h, @a.§+b.§+0.§:§+§+§
bc ca ab a b c
sSal+b+E=ab+betcas(a—bY+(b—c) +(c—a) =0
Sa=b=c
Vay tam giac ABC déu
cos’ A+cos’B 1
b) Ta co: = —(cot® A + cot’ B
) sin® A + sin* B 2( )
2 2 a2 1 a2
o 08 A-l—c.os B—l—s.ln A +sin® B :l(cot2A—|—1—|—cot2B—|—1)
sin® A + sin® B 2
2 1,1 1

sin?A+sin’B 2sin’ A sin’ B

) < (sin® A+ sin* B)’ = 4sin* Asin* B
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) . a
& sin? A = sin? B & [—

2 2
= b &S a=0b< AABC cantai C.
2R

2R

Dang 5: Bai toan thuc té

Caul: Hai chiéc tau thily cing xudt phat tir mot vi tri 4, di thang theo hai
huéng tao v&i nhau goc 60°. Tau B chay véi toe do 20 hai 1i mot
gid. Tau ¢ chay voi tée do 15 hai li mot gio. Sau hai gio, hai tau
cach nhau bao nhiéu hai 1i? Két qua gan nhat voi sb nao sau day?

A. 61 hai li. B. 36 hai li.
C. 21 hai li. D. 18 hai li.

Loi giai
Chon B

Sau 2 gio tau B di dugc 40 hai li, tau C di duwoc 30 hai li. Vay tam gidc A4BC c6

AB=40, AC=30 vd A=60".

Ap dung dinh li cbsin vao tam gidc ABC, ta co

a’ =b* +c* —2bccos A = 30° +40° —2.30.40.cos60° = 900 + 1600 — 1200 = 1300.

Vay BC =+/1300 ~ 36 (hai li).

Sau 2 gio, hai tau cach nhau khoang 36 hai li.
Cau2: Dé do khoang cach tir mot diém A trén bo séng dén gbe cdy € trén cu lao gitta song, ngudi ta
chon mét diém B cing & trén bd voi A4 sao cho tir 4 va B c6 thé nhin thay diém ¢ . Ta do dugc khoang
cach AB=40m, CAB=45° va CBA=70".Vay sau khi do dac va tinh toan dugc khoang cach AC gan nhat
V01 gia tri nao sau day?

A.53m.
B. 30m.
C. 41,5m.
D. 41 m.
Loi giai
Chon C
AC AB

Ap dung dinh li sin vao tam gidc ABC, ta c6 -—— ==
sinB sinC

. . 0
Vi sinC=sin(a+ §) nén Ac = 28-S0 _A0SIT0° 4y 47y
sin(a+3)  sinll5

Cau3: Tuvitri 4 nguoi ta quan sat mot cay cao (hinh vé).
Biét AH =4m, HB =20m, BAC =45.

Chiéu cao cua cay gan nhat vdi gia tri nao sau day?

A. 17,5m. B. 17m.
C. 16,5m. D. 16m.

Loi giai
Chon B
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Trong tam gidc AHB, ta cO tan ABH _AH 4 1 ER 19
BH 20 5

Suy ra ABC =90° — ABH = 78"41".
Suy ra ACB = 180" —(BAC + 4BC) =56"19".

Ap dung dinh 1y sin trong tam gidc ABC , ta dugc

Af\ _ CE\ CB— AB.sm/B\AC ~17m
sin ACB sin BAC sin ACB

Caud: Gia st ¢cD=h la chiéu cao cua thap trong d6 ¢ 1a chan
théap. Chon hai diém 4, B trén mat dat sao cho ba diém 4, B va C
thang hang. Ta do dugc 4B =24 m, CAD = 63", CBD = 48°.

Chiéu cao # cua thap gan véi gid tri nao sau day?

A. 18m. B. 18,5m.
C. 60m . D. 60,5m .
Loi giai
Chon D
AD AB

Ap dung dinh li sin vao tam gidc ABD, ta c6 —— = -2
sin@ sinD

Tacd a=D+8 nén D=a— (= 63" —48° =15".

AB.sinf3 _ 24.sin48°

Do @6 4D == =
sin(o—3) sin15

~ 68,91 m.

Trong tam gidc vudng ACD, cd h=CD = AD.sina ~ 61,4 m.

Cau 5: Trén néc mat toa nha cd mdt cOt dng-ten cao 5m. Tu vi tri quan sdt 4 cao 7 m so v&i mat dat, co
thé nhin thay dinh B va chan C cua cdt ang-ten dudi goc 50° va 40° so vdi phuong nam ngang. Chiéu
cao cua tda nha gan nhat vdi gia tri ndo sau day?

A. 12m. B. 19m.
C. 24m. D. 29m .

Loi gidi
Chon B

Tir hinh v&, suy ra BAC =10° va Zﬁ):lso“—(EAT)Jrﬁ)zlso"—(so°+9o°):4o°.

Ap dung dinh 1i sin trong tam gidc ABC , ta c6

. TS . 0
BE\: A/C\ AC:BC.s1n/1g?C=5.§1n4? ~18,5m.
sin BAC  sin ABC sin BAC sin10
— D _

Trong tam gidc vuong ADC , ta ¢O sinCAD = A—Cﬂ>CD = AC.sinCAD =11,9 m.

Vidy CH=CD+ DH =11,9+7=18,9 m.
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Cau 6:

thap. Dat ké giac thang dung cach chan thap mot khoang €D = 60m, gia
sir chiu cao cua giac ké 1 0C = 1m .Quay thanh giac ké sao cho khi ngam
theo thanh ta nhinh thay dinh 4 cta thap. Poc trén giac ké s6 do cia goc
A0B =60 . Chiéu cao ctia ngon thap gin véi gid tri ndo sau day:

Cau 7:

quan sat dinh ¢ cta ngon ndi. Biét rang d6 cao 4B=70m,
phuong nhin AC tao vdi phuong nim ngang goc 30°, phuong
nhin BC tao véi phuwong nim ngang goc 15°30' Ngon nui d6
c6 d6 cao so voi mit dit gin nhat véi gia tri nao sau day?
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Xac dinh chiéu cao cua mot thap ma khong can lén dinh cua

A. 40m . B. 114m .
C. 105m . D. 110m.

60m c

Loi gidi
Chon C

Tam gidc OAB vudng tai B, cO tan AOB = % = AB = tan 60°.0B = 60+/3 m.
Viy chiéu cao ctia ngon thap 1a 7= AB+0C = (60\5 + l)m.

Tu hai vi tri 4 va B cua mdt tda nha, nguoi ta

A. 135m . B. 234m .
C. 165m . D. 195m .

Loi giai
Chon A

Tir gia thiét, ta suy ra tam gidc ABC c¢6 CAB =60°, ABC =105°30’ va c = 70.
Khi d6 4+ B+C=180° < C =180° —(74+§): 180° —165°30" = 14°30".

Theo dinh li sin, ta ¢ ,b = ,C hay — b — = — 700 -

sinB sinC sin105°30" sin14°30
70.sin105°30’

sin14°30’

Goi CH 1a khoang cach tir ¢ dén mit dat. Tam giac vudng ACH c6 canh cH ddi dién véi goc
30° nén

CH = % = # =134,7 m. Vay ngon nui cao khoang 135 m.

Do d6 AC=b= ~ 269,4 m.
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BAI TAP CUOI CHUONG 4
CAU HOI TRAC NGHIEM

Caul: Ddngthic nao sau day ding?

A. tan(180°+a)=—tana. B. cos(180°+a)=—cosa.
C. sin(180°+a)=sina. D. cot(180°+a)=—cota.
Lo giai
Chon B.
Ly thuyét “cung hon kém 180"
Cau2:  Trong cac dang thirc sau day, dang thirc ndo ding?
A. sin(180°—a)=—sina. B. cos(180°—a)=cosa
C. tan(180°—a)=tana. D. cot(lSOc—a)z—cota
Lo giai
Chon D.

M®&i lién hé hai cung bu nhau.
Cau3: Cho o va B lahaigéc khac nhau va bu nhau, trong cac dang thirc sau day dang thirc no sai?
A. sina=sinf. B. cosa=—cos 3. C. tanag =—tan f3. D. cota =cot 3.
Loi giai
Chon D.
M®&i lién hé hai cung bu nhau.
Caud: Chogéc a tu. bieu khang dinh nao sau day la ding?
A.sina<0. B. cosa>0. C. tana >0. D. cota<O.
Loi gidi
Chon D.
Cau 5: Hai géc nhon « va [ phu nhau, hé thirc nao sau day la sai?

A.sina=cosf. B. tana =cot [ . C.cotf= : D. cosa =—sinf3.
cota
Lo giai
Chon D.
cosa = cos(90° —,B) =sin J.
Cau6: Cho cosx :%. Tinh biéu thic P = 3sin” x +4cos’ x
AL B. .. c. i p. 2.
4 4 4 4
Loi giai
Chon A

2
. ) 1 1
Ta cod P:?>s1n2x+4coszx:3(sm2x+cos2 x)+cos2x:3+(—j :—3.
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n | s Lk s . .
Cau 7: Biét cosa = —. Gia tri dung cua biéu thirc P = sin® @ + 3cos” a 1a:

AL B. 12 c U p. 2
3 9 9 3
Loi giai

Chon C

1 . . 11
cosq = 3 — P =sin’ a + 3cos’a = (sm2 o+ cosza) +2cos’a =1+ 2cos’a = X

Cau 8: Cho biét cosa:—g va O<a<%.T|'nh tana ?

NES 8. -3 o V5 o Y5
4 2 2 2
Loi gidi
Chon D
1
DoO<a<£:>tana<0.Tacé:1+tan2a= 5 <:>tan2a=§:>tana:—£.
2 cos” o 4 2

~ Y 7 AY N . 5 .7 . 2 - Ya . N\
Cau 9: Cho a lagbéctlva sina :E. Gia trj cua biéu thirc 3sina +2cosa la

A3, B. —— . C. -3 D. 2.
13 13
Loi giai
Chon B
. 144 12
Tacd cos’a=1-sina=— =cosa =+—
169 13
A es 12
Do a la gbéctunén cosa <0, tir dod cosa:—E
Nhu vay 3sina+2cosa=3~i+2 —2 =—i.
13 13 13
) 1
Cau10: Cho sma:§,vc’)’i 90° < o <180°.Tinh cosc .
A. cosazz. B. cosa:—%. C. cosa=—— D. cosa:—ﬁ.
3 3 3
Loi giai
Chon D
2
Ta cé cos’ o =1—sin’ :1—(lj :§.
3 9
Mat khac 90° < o <180°nén cos« =—¥.

R N A e 1
Caul1ll: cosa bangbao nhiéu néu cota = _5?
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A. iﬁ. B.ﬁ. C. —ﬁ. D.
5 2 5 3

Chon A
1
Ta c6 cotaz—5:>tana:—2.

1 1 1
— < cos’a = — = - ==
cos“ a l1+tan” & 1+(_2) 5

J5

Suy ra coso :i?.

l+tan’ o =

Cau12: NEu tana =3 thi cosa bang bao nhiéu?

V1o I c N0 b, Y10

A ———, B. —. .+ . .
10 3 10 10
Loi gidi
Chon C
1 1 1 1
Taco 1+tan’ o =——— < cos’ a = — = —=—.
cos” a l+tan“a 1+3 10

10

Suy ra cosg =+—-.

10
Cau13: Biét cota=—a, a>0.Tinh cosax
A cosoc—L B cosa—; C cosa——; D cosoz——L
1+ d? J1+a? Ji+a® Ji+a®
Loi giai

Chon D
Do cota=-a, a>0 nén 90° < a <180° suyra cosa <0.

Mat khac, tana = Stana =—.
cota a
\ . 2 1 2 2 a’
Matalaico I+tan"a=——— < cos"a=———— Scos a= > -
cos’ a 1+tan‘ o 1+a
4 a

Khi do cosq =———= vado a>0 nén cosa = ————.
l+a Ji+a®

. 4 2 ~ ’ . Y
Cau1l4: Cho « lagoéctuva sina = g Gia tri cla biéu thirc A =2sina —cosa bang
- 11
Al B. L. 1. p. 1L
5 5 5
Loi giai
Chon D

2
Ta co: sina:%:coszazl—sinzazl—(%j :i.
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Do o lagéctunén cosa <0 = cosa =—.

) 24 -3 11
A=2sinaa—-cosag=———=—.
5 5 5
Cau15: Chosina = =, véi 90° < @ <180°. Tinh gid tri clia M - SMareosd
5 cos’ o
AM=2 B. M= C.om=3 D. M=%
27 27 27 27
Loi gidi
Chon D
2
Tacécoszazl—sinza:l—(ij :i.
5 25
Ma 90°Sa£180°:>cosaSO:cosaz_—?’.
Tir do M — sma+3cosa _ =25 .
cos” o 27
" v 2 . e e , cota+3tana
Cau 16: Cho biét cosa =——. Tinh gia tri cua biéu thtc E =———7?
3 2cota+tana
19 19 25 25
A ——. B. —. . —. D. —
13 13 13 13
L& gidi
Chon B.
2 2 3 -2 2
g oota+3tana _1+3tan a=3(tan a+1)—2= cos’a ~ _3-2cos’a 19
2cota+tana  2+tan’ o l+(l+tan2a) 1 1 l+cos’a 13
cos’ a
Ciu 17: Cho biétcota = 5. Tinh gid tri cla E =2cos” a +5sinacosa +1?
Al g, 190 ¢ p. 101
26 26 26 26
L& gidi
Chon D.
. 3 ) 1 ) 101
E=sin"a| 2cot” a+5cota+—— |= 5 (3cot a+500ta+1)=—.
sin” & l+cot”
" | B i 3sina+4cosa .
Cau 18: Cho cota =—. Gia tri cua biéu thirc 4 =— la:
3 2sina—5cosa
1 1
A. ——5. B. —13. C. —5 D. 13.
13 13
L& gidi
Chon D.

_ 3sina+4sina.cota 3+4cota

" 2sina—Ssina.cotar  2—Scota

13
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~ 2 . .2 . , - Y N
Cau 19: Cho biét cosa =——. Gia tri cua biéu thic E =M bang bao nhiéu?
3 2cota—tana
P4 g 1L Ly p. -2
3 13 3 13
L& gidi
Chon C.
2 4_ 3
_cota—3tana 1-3tan’a 4—3(tan 0""1) _ cos’q 4cos’a-3 11
2cota—tana  2—tan’ « 3—(1+tam2 a) 3 1 3cos’ a1 3"
cos’ a

~ - 1 .7 . ’ ? - ’ . N
Cau20: Biét cosa = 3 Gia tri dung cla biéu thirc P =sin* @ +3cos’ ¢ la:

Al B. 2. c. i p. 2
9 3 3 9
Loi giai
Chon A

1 . . 1
cosa = 3 = P =sin’ a +3cos’a = (sm2 o+ cosza)+ 2cos’a =1+2cos’a = X

Cdu21: Chotam gidc ABC, ménh dé nao sau day dung?

A. a*=b*+c*+2bccos A . B. a*=b"+c* —2bccos A.
C.a*=b*+c*—2bccosC . D. a* =b* +c¢* —2bccosB.
Loi giai
Chon B

Theo dinh 1y cosin trong tam gidc ABC,tacd a’ =b"+c*—2bccosA.

Cau22: Chotam gidc ABCcé a=8,b=10, géc C bang 60°. D6 dai canh ¢ 13?
A.c=3\/i. B.c=7\/§. C.C=2\/ﬁ. D.c=2\/ﬁ.
L&i giai
Chon D.
Ta c6: ¢? =a* +b* —2ab.cosC=8% +10? —2.8.10.cos60° =84 = ¢ =24/21 .
Cau23: Cho AABCc6 b=6,c=8,4=60".D6 dai canh a la:
A. 2413. B. 3V12. c. 2437. D. v20.
Loi gii
Chon A.
Ta c6: a® =b* + % —2bccos A=36+64—2.6.8.c0s60° =52 = a =213 .
Cau24: Cho AABC c6 B=60°,a=8,c=5. Do dai canh » bang:
A. 7. B. 129. C. 49. D. v/129.
L&i giai
Chon A.

Taco: b’ =a’ +c> —2accosB=8> +5%—2.8.5.c0s60° =49 =ph =7 .
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Ciu25: Cho AABC c6 AB=9:BC =8:B=60". Tinh d6 dai AC.
A VT3 B. \217. C.8. D. J113.
Loi giai
Chon A
Theo dinh 1y cosin c6:

AC? = BA> + BC* —2BA.BC.cos ABC =73 = AC =73 .

Vay AC=+/73.
Cau 26: Chotam gidc ABC c6 AB=2,4C =1 va A=60°. Tinh d6 dai canh BC.
A. BC=+2. B. BC=1. C. BC=+/3. D. BC=2.
Loi giai
Chon C

Theo dinh Iy cosin ta c6: BC =+ AB> + AC* —2AB.AC.cos 60"

=\/22+12—2.2.1% =3

Cau 27: Tam giac ABC c6 a =8,c=3,1§ =60". D6 dai canh b bang bao nhiéu?
A. 49. B. \/97 C. 7. D. J/61.
L& gidi
Chon C.
Ta c6: b? =a® +¢* —2accos B=8> +3% —2.83.cos60° =49 =h=7 .

Cau28: Tam gidc ABCc6 C=150°, BC =+/3,4C = 2. Tinh canh AB?

A A3 B. \/3. C. 10. D. 1.
Loi giai
Chon A

Theo dinh li cosin trong AABC'ta c6:
AB* = CA* + CB* —~2CACB.cosC =13 = AB=+/13.

Cau29: Cho a;b;c la d6 dai 3 canh cla tam gidc ABC . Biét b=7;c=5;cos 4 :%. Tinh d6 dai cta

a.
A 32 p. V2. c. 2 D. 6.
2 8
Loi giai
Chon A
Ap dung dinh 1i cosin cho tam gidc ABC ta co:
4

a’=b*+c* —2bc.cosA=T"+5° —2.7.5.;2 18.

Suyra:azx/ﬁz%/z.

Cau 30: Cho tam gidc ABC c6 AB=4cm, BC=7 cm, AC =9cm. Tinh cos 4.
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2 1 1 2
A. cosA=——. B. cos4=—. C.cosd=—. D. cos4d=—.
3 2 3 3
Loi giai
Chon D
Ta cb cosd < AB*+AC’-BC* 4 +9°-7 2
2.4B.AC 249 3
2,2 2
Ciu 31: Cho tam gidc 4BC ¢ a” +b"—c" >0 hj go:
A. G6c C>90° B. G6c C<90°
C. Géc €=90° D. Khéng thé két luan duoc gi vé géc C.
L& gidi
Chon B.
2,2 2
Ta co: cosCzw
2ab

Ma: a® +b° —=c* >0 suy ra: cosC>0=C<90°.
Cho tam gidc ABC thod man: b* +c> —a* =~/3bc . Khi dé:
B. A=45". C. 4=60". D. 4=75".
Lo giai

Cau 32:
A. A=30°

Chon A.
2,2 2
b +c”—a =\/§b0=£:>14=300,
2bc 2bc 2
Cho céc didm A(1;1), B(2;4),C(10;~2). Géc BAC béng bao nhiéu?
C. 45°. D. 30°.

Tacod: cos4=

Cau 33:

A. 90°. B. 60°.
L&i giai

Chon A.

Ta cé: AB=(1;3), AC =(9;-3).

‘ZE.ZE

\EHR‘\

Cho tam gidc ABC , biét a=24,b=13,c=15. Tinh géc 4?

c. 28%37". D. 58°24".

—

=0= BAC =90,

—

Suy ra: cos BAC =

Cau 34:
A. 33%34", B. 117%49".
Loi giai
Chon B.
2,2 2 2 2 442
P+c?—a® 1324152 -24 7 4e117%0"

Ta co: cosA= = SN
2bc 2.13.15 15

Cho tam gidc ABC, biét a=13,b=14,c=15. Tinh géc B?

Cau 35:
C. 59%29', D. 62°22".

A. 59%49', B. 53°7".
L&i giai

Chon C.
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a?+c? b 1324157 -14% 33

Ta co: cosB = = =22 = B=59%29".
2ac 2.13.15 65
Cau 36: Cho tam gidc ABC biét do dai ba canh BC, CA, AB lan luvot 1a a, b, c va thda
man hé thirc b(b2 —az) = c(c2 —a2) véi b # c. Khi d6, goc BAC bang
A. 45°. B. 60°. C. 90°. D. 120°.
Loi giai

Chon D
Ta co b(bz—az)zc(cz—a2)®b3—ba2 =c—-ca* b - —az(b—c)zo

<::>(b—c)(b2+bc+cz—612)=O<::>b2+02—a2 =-bc.
2

2 2
Mat khéc cos BAC =2¢ =4 _~be _ 1 gae 1000,
2bc 2bc 2
Cau 37: Cho AABC vuéng & 4, biét C= 30°, AB=3. Tinh d6 dai trung tuyén AM ?
A. 3 B. 4 C. 2 D. Z
2 2
Loi gii
Chon A

AM 13 trung tuyén Gng voi canh huyén nén AM = %BC =BM =MC.

Xét ABAC ¢6 B =90°-30°=60°.
Xét tam giac ABM ¢6 BM = AM va B=60° suy ra AABM 1a tam giac déu.

= AM = AB=3.
Cau 38: Cho tam gidc ABC . Tim cOng thirc sai:
A 4 —2R. B. sin A= - C. bsin B =2R. D. sinC = <804
sin A 2R a
Lo giai
Chon C.
Ta co: .a = .b = .c =2R.
sind sinB sinC
Cau 39: Cho AABC véi cac canh AB =c¢,AC =b,BC =a.Goi R,r,S lan lugt 1a ban kinh

dudng tron ngoai tiép, ndi ti€p va dién tich clda tam gidc ABC. Trong cdc phat biéu sau, phat
biéu nao sai?

AL 5= dbe B. R=—%
4R sin A
1 )
C.S:EabsmC. D. a®> +b*> —c? =2abcosC .
Loi giai
Chon B.

=2R.

Theo dinh li Sin trong tam giac, ta co

sin 4
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Cau 40: Cho tam gidc ABC c6 géc BAC =60° va canh BC =+/3. Tinh ban kinh cla
dudng tron ngoai tiép tam giac ABC.
A. R=4. B. R=1. C.R=2. D. R=3.
Loi giai
Chon B
Ta co: ,C =2R< R= B_C = 3 =1.
sin 4 2sin A \/5

2.—
2

Cau 41: Trong mat phéng, cho tam gidc ABC c6 AC =4 cm, gbc A=60° , B =45°. Po dai canh BC
la

A. 246 . B.2+23. C.23-2. D. 6.

Loi giai
Chon A
L3
Ta co )_BC = 1_4C <:>BC:—2:2x/g.
sin4A sinB 2
2
Cau 42: Cho AABC cbé AB = 5;& =40°; B =60°. Do dai BC gan nhat véi két qua nao?
A. 3,7. B. 3,3. C. 3,5. D. 3,1.
Loi giai
Chon B
C=180°—A—B =180°—40°—60° = 80°
Ap dung dinh 1y sin: ?C = félB = BC= ‘.AB .Sin 4 = — sin40°~3,3.
smA sinC sinC sin 80°
Cau 43: Cho tam gidc 4ABC thod man hé thlirc b+ c =2a . Trong cdc ménh dé sau, ménh dé
nao dung?
A. cosB+cosC =2cos A. B. sin B +sin C = 2sin A.
C. sinB+sinC=%sinA. D. sinB +cosC =2sin A.
Loi giai
Chon B.
Ta co:
b+c
'a = ‘b = .C =2R=> .2 = .b = ‘C & b_+c =— b+c, & sinB+sinC =2sin 4.
simd smB sinC smAd sinB sinC 2sin4 sinB+sinC

Cau 44: Tam gidc ABC c6 a=16,8; B=56"13'; C =71°. Canh ¢bing bao nhiéu?
A. 29,9. B. 14,1. C.17.,5. D. 19,9.
Lo gidi
Chon D.
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Ta c6: Trong tam gidc ABC: A+ B+C=180" = 4=180° —71° —=56°13' = 52%47".
si 16,8.sin71°

M3t khac 'a _ 'b _ .c - .a _ .c :c:a‘smC: 6,8.sin7 ~19,9.
sind sinB sinC sinAd sinC sin A sin52%47'

Cau 45: Chon cong thirc dung trong cac ddp an sau:

A. SzébcsinA. B. S=%acsinA. C. S=%bcsinB. D. SzébcsinB.

Lo giai
Chon A.

Ta co: SzlbcsinA =lacsinB=%absinC.

Ciu 46: Cho hinh thoi ABCD c6 canh bing a . Géc BAD =30°. Dién tich hinh thoi ABCD la
2
a \/3 . D. a*.
2

2 2
AL B. L. C.
4 2
Loi giai
Chon B
Taco S, = AB.AD.sin BAD = a.a.sin30° = %az .

Cho AABCc6 a=6,b=8,c=10. Dién tich § cta tam giac trén la:

Cau 47:
A. 48. B. 24. C. 12. D. 30.
Lo giai
Chon B.

T . b
Ta c6: Ntra chu vi AABC : pzu.

Ap dung cong thirc Hé-réng: S =./p(p—a)(p-b)(p—c) =J12(12-6)(12-8)(12-10) = 24.
Cho AABCcé a=4,c=5,B=150".Dién tich cla tam giac la:

Cau 48:
A. 54/3. B. 5. C. 10. D. 104/3.
L& giai
Chon B.

Ta co: Sy =%a.c.sinB =%.4.5.sin1500 =5.
M6t tam gidc cé ba canh 13 13,14,15. Dién tich tam giac bang bao nhiéu?

B. \/84. C. 42. D. V168.
Loi giai

Cau 49:
A. 84.

Chon A.

Ta c6: p=a+l2)+0=13+124+15=21.

Suy ra: S=/p(p—a)(p—-b)(p—c) =21(21-13)(21-14)(21-15) = 84..
Cho tam gidc ABC cé a=4,b=6,c=8.Khi doé dién tich cha tam giac la:

D. %ﬁ

Cau 50:

A. 915, B. 34/15. C. 105.

Gido vién c¢é nhu cdu sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Pinh Cw: 0834 332 133 dé dwoc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh cé nhu cau tham gia cdc Iép todn chit lwong Thay Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé triee tiép qua SDT:0834 332 133
Page 261



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'I. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Lo giai
Chon B.
Ta c6: p:a+b+c:4+6+8:9‘
2 2
Suy ra: S=./p(p—a)p-b)(p-c) =3/15.
3
Cau 51: Cho tam giac AABC cé b=7;c=5;cosA=g. D06 dai duwong cao £, cla tam giac
AABC 1a.
72
A. Tf B.S. C. 83 D. 8043
Loi gidi
Chon A

a=b*+c* —2bccos A =\/72 45 —2.7.5% ~/32=42

. 4
3N 16 sind=— R 4
sin> A=1-cos’ A=1-|=| =—.Suyra vi 0<4<180° nén sin A=—
5 25 . 4 5
sinAd=——
5
1 ) 1 4
S==bcsinA=—"7.5.—=14 ma S:la_ha <:>14=l,4\/§,ha =3 =£
2 2 5 2 2 2
Cau 52: Cho tam gidc ABC déu canh 2a. Tinh béan kinh R clia duwdng tron ngoai tiép tam
gidac ABC.
2a 4a 8a 6a
A —. B. —. C. —=. D. —.
3 NE] V3 NE]
Loi giai
Chon A
A
¥,
B C

Goi H, K 1an luot 1a trung diém canh 4B, BC;
I 1a giao diém cia AH va CK .
Luc do, I 1a tam dudng tron ngoai tiép tam giac ABC.
2
V3 _ 5.

2

Taco: AH =

Gido vién c¢é nhu cau sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Pinh Cw: 0834 332 133 dé dwoc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh cé nhu cau tham gia cdc lép todn chit lwong Thay Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé truee tiép qua SPT:0834 332 133
Page 262



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Dodé: R= Al =2 AH =2 a3 =22
3 3 NE)
Cau 53: Cho tam giac ABC cé BC:\/g, AC =2 va AB:x/§+1. Ban kinh dudng tron

ngoai ti€p tam gidc 4ABC bang:

A5, B. 3. C.\2. D. 2.

Loi gidi
Chon C
2 2 2
Ap dung dinh 1y cosin ta c6 cos 4 = bte-a = 1 suyra 4=060°.
2bc 2
Ap dung dinh 1y sinta cé6 R= .a =\2.
2sin A4
Cau 54: Cho tam gidc ABC c6 AB=3, AC=4, BC=5. Ban kinh dudng tron ndi tiép
tam giac bang
Al B. 3. c.t D. 2.
9 5 4
Loi giai
Chon A
Vi AB* + AC* = BC? nén tam gidac ABC vudngtai A.
1
EAB.AC 34

Do d6 ban kinh duong tron ndi tiép r == =

1 = = .
P (4B+AC+BC) 3+4+5
Cau 55: Cho AABCcé S=84,a=13,b=14,c=15. D dai ban kinh duwdng tron ngoai tiép R
cla tam giac trén la:
A. 8,125. B. 130. C. 8. D. 8,5.
Lo gidi
ChonA.
ab.c abc 13.14.15 65
Taco: S = S R= = =—,
MBC 4R 4S 484 8
Cau 56: Cho AABC ¢6 S =103, nira chu vi p =10. D6 dai ban kinh dwdng tron néi tiép

r cUa tam giac trén la:

A. 3. B. 2. c. V2. D. /3.

L& giai
Chon D.
Ta cé: S=pr:>r=£=%=\/§.
p 10
Cau 57: Mot tam gidc cé ba canh 13 26,28,30. Ban kinh dudng tron ndi tiép la:
A. 16. B. 8. C. 4. D. 4/2.
L& giai

Chon B.
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a+b+c 26+28+30

Tacod: p= 42.
P 2 2
- -b)(p- 42(42 -26)(42-28)(42-30
S— prosy =S NPP=a)p=b)p=c) _ 4 )42-28)(42-30) _ o
p p 42
Cau 58: Mot tam gidc cé ba canh 13 52,56,60. Ban kinh duwdng tron ngoai tiép la:
A. @ B. 40. C. 32,5. D. @
8 4
Loi gidi
Chon C.
Tacé: p= a+b+c _ 52+56+60 Y
2 2
Suy ra: S=+/p(p—a)(p—b)(p—c) = [84(84 —52)(84 — 56)(84 — 60) =1344 .
My o dbe _ p_abe 525660 65
4R 45 4.1344 2
Cau 59: Tam gidc vdi ba canh |3 5;12;13 cé ban kinh duwdng tron ngoai tiép la?
A. 6. B. 8. C. E D. E
2 2
L& giai
Chon C.

Tacéd: 52 +122 =13 =R :%. (Tam giac vudng ban kinh dwdng tron ngoai tiép bang %

canh huyén).

Cau 60: Tam gidc vé&i ba canh 13 5;12;13 c6 béan kinh dudng tron ndi tiép tam giac d6 bang
bao nhiéu?
A. 2. B. 24/2. C. 243. D. 3.
Lo giai

BAI TAP TU LUAN

3
Cau 1: Cho cosa:—g. Hay tinh sina , cosa, cosa.

Loi giai.
. 1 ) 4 .
Ta co: smza=1—c052a=l—i=—6:>sma=—(Vi sinag >0)
25 25 5
tan o = 204 :i: 23 = 4 . Do d6 cota=—§
cosa 5 5 3 4

Cau 2: Biét rang sinl5" = . Tinh cac gia tri lwgng giac con lai cGia géc 15°. Chirng minh

-2
Joiz

2sin15°.cos15° =sin30°
Loi giai.

\/E\/EJ2=8+4J§:(J§+1)2

Ta co: cos’15° =1—sin’15 =1—
4 16 8

Gido vién c¢é nhu cau sé hivu tron bg file word Bai gidng Todn 9,10,11, 12 ¢6 i gidi chi tiét vui long lién hé zalo Tran
Pinh Cw: 0834 332 133 dé dwoc hé tro téi da . “Trdnh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh cé nhu cau tham gia cdc lép todn chit lwong Thay Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cw hodc lién hé truee tiép qua SPT:0834 332 133
Page 264



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRQ KIEN THU'C KIP THO'. SOT: 0834 332 133.
WEB: TOANTHAYCU.COM

Tir d6 cosl5’ = (\/§+1)2 _‘/§+1_(\/§+1)\/§_\/€+*/§.
N T

_sinls V62 :(*%“5)2 1S3

tanl5° = =
. cosl5’ \/E+\/§ 4

cosls’ 2#:2+\/§.

2-3

Tacd 2sinl5’.cosls5” =2.

=sin30°.

%ﬂﬁﬁ—ﬁ:lw_z):l
4 4 8 2

Cau 3: Cho tana =-2.Tinh cosa va sina .

Loi giai.
Vi tana =-2 <0nén 90° < <180°suy ra cosa <0.Ta co:
2 2 1 1 1
l+tan” o = — =>cos a= — = —_
cos” o l+tan"ex 1+4 5
1 sina
Vay cosa =———=va tana = . Do @6
i J5 cosa
sina =cosa tana=[—ij (—2)—i—£
1 )
Cau 4: Cho cosazE,tl’nh P =3sin’ x+4cos’ x.
Loi giai.
, =2 2 2 2 2 1 13
Taco P=3sin" x+4cos x:3(1—cos x)+4cos x =3+cos x:3+Z:?.
6++2 )
Cau 5: Cho cosxzx/if‘f\/i,tl'nh P=3sinx+cosx
Loi giai.
2
2
L : J6+2) | 2443 243 (V62
Tacd sin“x=1-cos"x=1- T =1- 2 = 2 = ye

do 0" <x<180°

-2
Jo iz

Chon sinx=

Vay P =3sinx+cosx =%(\/g—\/§)+%(\/g+\/§) :@.

Cau 6: Cho tana =+/2 , tinh gi4 tri cia biéu thic:
3sina —cos«

a) A=——m—

sina +cosa
2sin a+1
b)B=—— 5
3sin“a+2cos” o

Loi giai.
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a) Chia ttr va mau cho cosa , ta dugc

_3sing—cosa _3tana -1 _ 32 -1 B (3‘/5_1)(‘/5_1) —7_ 42

A

sinag+cosa  tana+1 J2 41 B 2-1
b) Chia tir va mau cho cos’ a, ta duoc:
_ 2sinfa+l _2tan2a+(1+tan2a)_3tan2a+1_7
3sin* @ +2cos’ & 3tan’ o +2 3tan*a+2 8

e 2 _, e ) cosa —tana
Cau 7: Biét sinx :g. Tinh gia tri cua biéu thitc P=——

cosa+tana
Loi gii.
cosa ¢ cosa sina
—tana - :
5 p_COSA—ANA _ sing  cosa _cos’a—sin’a
cosa +tan o cosa +tan cosa+sina cos’ o +sin’ «
sina cosa
2
) ) 2 17
=cos’a—-sin*a=1-sina=1-2|=| =—
5 25

Cau 8: Chirng minh cac dang thirc sau(gia s cac biéu thirc sau déu cé nghia)
a) sin® x +cos* x =1—-2sin” x.cos” x

b) l+cotx tanx+1

l—cotx tanx—1

COS X +sin x 3 )
————tan’ x+tan" x+tanx +1

c) 3
cos’ x
Loi giai
a) sin* x +cos* x =sin* x + cos* x + 2sin” xcos® x — 2sin’ x cos” x
2
= (sm2 X+ cos’ x) —2sin” xcos’ x

=1-2sin* xcos* x

1 tan x +1
+
b) 1+C0tx_ tanx . tanx _tanx+1
1—cotx - 1 tanx—1 tanx-—1
tan x tan x
cosx +sinx 1 sin x
c) 3 =——+— =tan2x+1+tanx(tan2x+l)
CcoSs” X COos“ X cCoS’ x

= tan’ x + tan” x + tan x + 1
Cau 9: Chirng minh rang biéu thirc sau day khong phu thudc vao x
a) A= (sinx+cos x)2 +(sinx—c0sx)2
b) B=sin* x—cos*x—2sin” x+1
Loi giai
a) A= (sinx+cosx)2 +(sinx—cosx)2 =1+2sinx.cosx+1—2sinx.cosx =2

b) B=sin*x—cos*x—2sin* x+1= (sin2 X+ coszx)(sin2 x—coszx) —2sin® x+1
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= l[sin2 x—(l—sin2 x)]—2sin2 x+1=0
Cau 10: Cho tam giac ABC. Chirng minh rang
a) sinA4 =sin(B+C)
b) cosA=—cos(B+C)
C

=COS—
2

d) tan 4 =—tan(B+C)

¢) sin

Loi giai
Vid, B, Cla3 gbc cliata gidc nén A + B+ C = 180° do d6
a) Ta c6 sin 4 =sin(180°— 4) =sin(B+C)
b) Ta ¢6 cos 4 = —cos(180°—4)=—cos(B+C)

, . A+ A+ B C
c) Ta cé sin

=COS—

2
d) Ta c6 tan 4 =—tan(180°— 4)=—tan(B+C)

B = cO0S (90O —

Cau 11: Chirng minh rang néu (1-sin 4)(1-sin B) = cos Acos B thi
(1+sinA)(1+sin B)=cos Acos B
Loi giai

Vi l+sin 4> 0;1+sin B >0 nén

(1—sin A)(1-sin B) =cos Acos B

< (1-sin4)(1—-sin B)(1+sin A)(1+sin B) = cos Acos B(1+sin 4)(1+sin B)

< (l—sin2 A)(l—sin2 B) = cosAcosB(l+sin A)(l+sin B)

<> cos’ Acos’® B = cos Acos B(1+sin A)(1+sin B)

< (1+sin 4)(1+sin B) = cos Acos B

Cau 12: Tam giac ABC c6 b+2c =2a.Chléng minh rang
a) 2sinA=sinB+sinC .
2 1 1
b) —=—+—
h, h, h
Loi gidi.

a) Theo dinh Ii sin ta c6
a__ b ¢ a _ b+c _ 2a
sind sinB sinC sinAd sinB+sinC sinB+sinC
Cach khac: a=2RsinA,b=2RsinB,c =2RsinC
Nén b+c=2a=2RsinB+2RsinC=2.2Rsin A= sinB+sinC =2sin 4

b) Taco S=~ah =~bh =tep -4 . 1 0.1 _c
W= =y h

=2sinA=sinB+sinC

28'h, 2S'h 28
Do do S=la.ha=1b.h,,=lc.h6:>i=i;i+i=l(b c)=i2a=3
2 2 2 h 28'h, h 28 257 h
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Cau 13: Tam gidc ABC c6 bc =a’. Chirng minh rang

a) sin®> 4A=sinB.sinC .
b) h,.h, = h2
Loi giai.
a) Theo gia thiét ta c6 a® = bc
Thay a=2Rsin A,b=2Rsin B,c =2Rsin C vao h¢ thuc trén ta dugc
4R*sin’> A =2Rsin B.2Rsin C = sin> 4 =sin B.sinC
b) Tacod 2S =a.h, =b.h, =ch, = azha2 =b.h,.c.h,

Theo gia thiét a’ =bc nén suy ra h” = h.h,

n . Ly . . “ 3
Cau 14: Chérng minh ring trong moi tam giac ta déu cé m. +m, +m’ :Z(a2 +b° +cz).

Loi giai.
Ap dung dinh 1i trung tuyén trong tam giac ta co
2(b* +c*)—a’ 2(a*>+c*)-b° 2(a*+b*)-a’
I R RV s
4 4 4

3
T d6 suy ra m_ +m; +m’ :Z(a2 +b° +cz)
Cau 15: Goi la trong tdm tam gidc ABC . Chirng minh
1
GA* + GB* + GC? =§(a2 +b* +7)
Loi giai.

Theo tinh chét cua trong tam, ta c6 GA = %ma;GB = %mb; GC = %mc

2 2 2
Nén GA* + GB +GC? = 2m | +[2m | +[ 2m =i(m2+m2+m2)
3 a 3 b 3 c 9 a b c

2 2 2 2 2 2 2 2 2
=ib+c a a+c b a+b =l( 2+b2+02)
9 2 4 2 4 2 4 3
Cau 16: Chirng minh rang téng binh phuwong hai dwdng chéo cla hinh binh hanh bang téng

binh phwong bén canh cda né.
Loi giai.
Xét hinh binh hanh ABCD . Goi O 1a giao diém ciia AC va BD thi AO 1a trung tuyén cia
tam giac ABD.
D C

A B
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Ta co
AB*+ AD* BD*  AC* AB*+ AD* BD?
qor - AB +AD” BDT AC  AB"+AD” & AC* + BD* =2( 4B + AD?)
2 4 4 2
Cau 17: Cho tam giac ABC cé canh a:2\/§, b=2,C=30°. Chtng minh ABC la tam

giac can. Tinh dién tich va chiéu cao A, cla tam gidc.
L& giai

3

Theo dinh ly cosin ta cé ¢ =a’ +b° —2abcosC=12+4—2-2\/§-27=4

Do dd ¢=2=5b néntamgiac ABC cantai Acégbéc B=C =30°.

Tacod S, =%acsin3:%-2-\/§-2%:\/§, h, :E:%zl.
a
l+cosB  2a+c

sinB  \J4ai

Lo giai

Ciu 18: Xét dang tam giac ABC thoa man

Ta co
l+cosB _ 2a+c <:>(1+cosB)2_(2a+c)2
sinB  \Jag? — 2 sin’ B 4a® -¢*

l+cosB  2a+c 1+cosB_1_2a+c_1

= = =
l1-cosB 2a-c 1-cosB 2a—c
o 2ac-cosB=c* o d+t-b =c*<ad=b=b<a=b
Vay tam giac ABC céantai C.
Cau 19: Cho tam gidc ABC c6 chiéu cao h, =/p(p—a) .Chitng minh ABC la tam gi4c

A

can.
Lo giai

Ta co S:%a-ha :\/p(p—a)(p—b)(p—c) nén

h,=p(p-a) < 2p(p-a)lp-b)p-c)=ap(p—a) = 2{(p-b)(p-c) =a
Ap dung bat déng thirc Co-si, ta ¢6 2,(p—b)(p—c) <(p-b)+(p—c)=2p-b-c=a.

Do d6 ddu dadngthircxdyranén p—b=p-c<b=c.
Vay tam gidc ABC cantai A.
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Trong chiong V, chiing ta sé tim hiu vé vectd va cac phép toan lién quan dén vecto nha: téng va higu hai vecto,
tich ciia mit 56 voi mat vecta, tich vé hung cia hal vecta. Ching ta ding sé hoc cach vin dung cic phép todn vé
wectd vao viéc gidi todn ding nha trong cdc hoat déng thuc tién va céc man hoo oo lién quan.

Trong mdt may do vdn toc gio (Anemometer), 48 |n cla vin téc duge do bing sd vong quay thiét bi hinh chio
va hurdng gid duge bidu didn bai huong cia mii tin,

foc xong chuong nay, ban co th

= Midn bidt duoc khdi nigm vects, vecta bing nhaw, vecta-khéng. Bidu thi duoe
mit 58 dai ligng trong thue tign bang vecta.

~ Thyc hién dugc cdc phép todn trén vecta (téng va hiéu hai vecta, tich cla mét
53 wiil miat vectd) va mo t duee nhimg tinh chat linh hoeo (ba didm thang hang,
trung diém cla doan thing, trong tam cda tam gldc, ) bang vecta.

- Thuic hign dudc phép toan tinh tich wo hugng cda hai vectova mo ta dugc nhiding
tinh chat hinh hoc bang tich v hudng,

- 5 dung ducic vectd va cdc phép todn trédn vecto dé gidl thich mdt sd hién tugng
ct lién quan dén Vat i vi Hod hoc. Van dung duge kién thifc vé vecto dé gidi mdt
58 bai toan hinh hoo va mt 56 bai toan lién quan dén thyc tién,
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Bai 1. Khai niém vecto

T khod: Bai lwong vé hudng; Bal lwong of heidng; Bidm diu; B1Em cudi; Ngon; Gid;
B3 lon; Vecto dai.

@ Ching ta cin vecta dé bidu dién cac dal lugng o6 hudng.

1. Binh nghia vecto
! B
ﬂ Trong thing bao: Co mot contanchd SO0 tin hang tir
cing A dén cing B cich nhau 500 kin. /’/
Ban iy tim sir khae biét giita hai dai hrong sau =
~ Khai hrong cia hang: 500 tin. .

— D6 dich chuyén ciia tao. SO0 km hir A &n 8,

Hirh 1

Bai huomng vé tnrdmg 1a dai Iong ¢hi o6 86 1ém. Vi dye khéi heong, khodng cach, nhiét 46,

Bai lugng co huong i dai luong bao gom ci 46 lom va huong. Vi du; do dich chuyen, he,
van toc, gia toe, .

Kl xae dinh mét dan leemg vo hirimg, ta chi can md 1 dé 1om cia no. Vi du Hang tén tin
ed khot heemg 500 tan.

Khi xie dindomt dai leomg e6 himg, ta phia 3¢ cap d&u_:ﬁ dd lom va hnrémg ctia nd. Vi di
Con tau co db dich chuyén dai 500 km theo lnrong tir 4 den B

Vectw la mit doan thing co huong, nghia 1a da chi ra dém dan va didm cudt,
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« Vecto ¢ didm diu A, didm cudi B duoe ki hisula AB. doc la
vecta 4B (Hinh 2).

« Puromng thing di qua hai didm A va B goi la gid oia vecto 4B

Hinh 2

« Bo dai ciia doan thing 4B goi ka d§ dai cia vecto AB va duge
ki hicn 1a [ 48] Niwr vy ta eo: |48 = 48,

w - 3 - 5 A . & v - E
Chii y: Mot vecto Klu khéng can chi 18 diem dau va ditm cuos /
cothé vietla @ b, %, 7,. A

Hinf 3
Vidu 1 .
Cheo tam gide den ABC co rcanh béng 2 (Hinh 4). Goi &
la trung diem eta doan thang BC.
Tim diém dau, didm cudi. gia va 4o din cuia cie veclo: .
CA, AH , BH .

Giidi : Hlfh 4 %

Vecto C4 co didm déu la €, diém cudi 1a 4 va eo gia la duémg thing AC.
Vecto AH co digm danla A, didm eudt 1 F va o gid 1 duong thing AH.

Vecto BH co diem danla B, digm ouoi la H vi co gia la doimg thing BH,

Tace: C4 =2, BH = |, AH =JAC* -CH* =J1-1=43.

cAl =2, |BH|=1, [aH| =53

Suy ra

@1 Tim diém dav, didm cudi, gia va d6 dis oia cac vecto CH, CB, HA trong Vidu 1.

@, Cho hinh vuing ABCD c6 canh bing ..":_E. hai i 2
dwimg chéo cat nhau tai © (Hinh 3). Tim 35 dai cia
cic vecta AC, BD, OA, AO. % O
Hinh 5
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2. Hai vecto cung phuwong, cung hudéng

ﬁ’i Ban co nhin xét gi vé gia cia cic ciip vecto 4B va CD, PO va RS trong Hinh 67
h B aq | i

»- -

N
|
:!G

Hinh &
o

= Hai vecto diroe goi 14 canmg phirong néu gia ciia chimg song song hodc ting nhau,

Vidu 2
Tim cac vecto cung phirong trong Hinl 6,

Crid
Trong Hinh 6, 4B va CD cimg pliwong vi o6 gia ming nhaw, PO va RS cimg phiong
Vi ¢0 gla S0Ng song.
Chii y: Trong Hinh 6, hai vecta 48 va €D oing phitong va co cimg Inimg & tir trai sang
phii. Tanoi AB va CD 1a hat vecto cing hedng, Hai vesto PO va RS cing phirong
nlnmg cé limg ngwee nhau Ta néi hat vecto PO va RS 14 hai vecto nguwe huing
Nhén xét: Hai vecta clng phurong chi o6 the cung larmg hofie nguoe lnrimg,
Vidu 3
Tim cac hye nguoe dmg trong 50 cae lye tac dong vao may bay twong Hinh 7

ik

d

Quan sat hinh 7. ta thay hre ning 7 nguge hudng véi trong lue P we cén @ neros nring
véi lye diy d
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@J Quan sat Hinh 8 va goi 1én cée vecto 1 =
a) Cimg plutong von vecto ¥, NN A 1 T T
b) Cimg hurdmg vén vecta @ f \ | AT 1T T
¢) Nguoc hudong voi vecto | v
! ¥ = W
) Hinh 8

Nhén xét: Ba diem phin biét 4, B, € thing hang khu p 7
v chi khi hai vecto 4B va AC cimg plirang, T

Hinh 2

That vay. ta thay néu ba diem 4, B, C thing hang thi hai vecto 4B va AC co gia tning nhau
nén chiing cing phurong. Nguge lai, néu hai vecto A8 va AC cimg phirong thi hai dwéng
thing AR va AC phé song song hodc tning nhaw, hon nita hai dwemg thing nay lai ¢6 chung
diém A nén ching phin tnimg nhau Viy ba diém 4. B, C thing hang.
a Khing dinh san ding hay sa? Hay gii thich
Néu ba didm phin bigt 4, 8, € thing hang thi hai vecta AZ vi AC cing huong.

3. Vecto bang nhau - Vecto déi nhau

4 5
Cho hinh binh hinh 4BCD (Hinh 109, hy so sanh
do da va lnromg cia har veetor

D C

a}lﬁvéﬁ; by AD va CB. Hinh 10

£ 42

Hai vecto @ va b aoc ot la bdng nhau 1 |
néu ching cing hrdng va oo cimg 46 dai, B |
ki hiéu @ =4k * '
Hai vecto @ va b duoc goi la ddi nhau I 3 hl
neu chimg nguoe huong va co cing 49 dai, : N :I
ki hiéu a=-b, Kl do, vecto b diroe gol

la vecte doi ciia veeto d.

=
L=

Chii y:

a) Cho vecto @ va diem O, ta ludn tim duoe mot didm A duy nhat

= A
sao cho Od =& . Khi do d6 dai ciia vecto & 1a 46 dii doan 04, /'/‘
¥}

ki hidula |a].
b) Cho doan thing AN, ta ludn co MM = —-MN Hinh 12
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Vidu 4
a) Tim trong Hinh 10 ha ciip vecto bing nhau va ha cip vecto déi nhan
b) Cho diem ¢ la trung diem eiia doan thang A8 Tim hai vecto déi nhan

Cri i

a) Trong Hinh 10, ta ¢6: 4B =DC, DA =CE, A

AD=-CB, Dd=-AD
. DA=—=AD, e

b} Ta ¢o @4 = —0B (Hinh 13)

@5 Cho D, E, F lan luot la tung diém cvia céc canh BC,
A, AB cua tam giac 4BC (Hinh 14).

a) Tim cac veclo hing vecta EF

b) Timn cac vecto doi et vecto EC.

Ta bigt ring moi vecto hoan toan dwoe xac dinh khi biét didm diu va didm cudi cia no
Vién mot diém 4 bat ki ta quy woc oo mot veeta dic gt ma diem diu va didm cudi dénla 4.

4. Vecto-khéng

Vecto do duoe ki hidu la 44 vé goi la veeto-khong (co gach néi giir hai tir)

Vecto ed diém dau va dicm cudi hl'lng'n]'mu-_gqi la vecte-kidng, ki lnéula 0,

Chi y:
— Quy wde veeto-khong 6 d6 din bing 0

— Vecto-khong luon oung plivong, cimg luromg von o vecto.

~ Mai vecto-khéng d&u bing nhaw; 0= A4 = EB=CC=.. véimo ditmd, B, C, ..
— Vecto do1 ¢lia vecto-khéng la chinh no

Vidus

Cho doan thing EF ¢o d6 dai bing 2 va nhin M 13 tnmg diém.

a) Tim vecto-khéng trong s6 che veete: EF . EE, EM . MM . FF

b) Dimng ki hidu 0 42 bigu dién cic vecto-khing do

Gido vién c6 nhu cdu sé hitu tron bé file word Bai giang Todn 9,10,11, 12 ¢6 16i gidi chi tiét vui long lién hé zalo Tran
Dinh Cuw: 0834 332 133 dé dwoc hé tro toi da . “Trdnh mua cdc trang va cdc cd nhéan khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 275



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

Cridi
a) Ta co cac veclo EE, MM , FF co diém dan va diem cudi trimg nhau nén ehing 13
vecto-khong.

b) Ta vigt (= EE = FF = MM |

@6 Tim dé dii eia chc vecto EF | EE@F_‘F trong Vi du 5.

BAI TAP

1. a) Ban hay tim syr khac biét gitra har dan hromg san
- Bac Ba e 50 ti2n 1a 20 tridu dong,
— Mot com biio di chuyén v vin toe 28 km'h theo hudng déng bic.
b) Trong cac dai hrong san, dai luong nao can dige bicu difn bai vecta?
Gia tien, hue, the tich, tudi, 46 dich chuven. van toc.

2, Cho hinh thang ABCD g0 has canh day la A8 va DC (Hinh 15). A
Biém M ndm trén doan DC
a) Got tén cic vecto ¢lmg réng voi vecto 4R

b) Gl tén cée vecto ngige nrong vin vecto DM o i 4y
. Hirh 15
3. Cho hunh vudng ABCD ¢o tam & va co canh bimg a (Hinh 16). ;

5

a) Tim trong hinh hai vecto bang nhau vi e6 do dai bing 1{;

b) Tim trong hinh hai vecto A6i nhav va c6 do dai bang ay2 a
4. Cho tir gide ABCD. Clumg minh ring tr giae dé la hinh binh hanh L .
ki va chi Klu AB = D€, Hinh 16

5. Hily chi ta cic cip vecto cing hiimg, nguoe lirimg, bang nhan trong Hinh 17

| ¥
7]
bl -
i X
r""---.‘l]-'j
Hinh 17
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6. Got © la tim hinh lue gife déu ABCDEF
a) Tim eac vecto khac vecto 0 vi cing huong v vecto O

b) Tun cac vecto hé'ing vecto AR

7. Tim cée he clng rdng va nguoe lnrdng trong 56 cac lue day duce bidn dién bing cae vecto
trong Hinh 18,

; 2 5 *
al
Hinh 18
- >
Ban cé biét?
VECTO TRONG VO DIEU LOAI ONG

Vii digu loai ong hay dién nhay hie Jae ta mét vii dién dic biét hinh so 8 cia ong mit.
Nhimg con ong & tim droe ngnon thire in thanh cong 52 thare hién vii didu nay 42 clua sé
théng tin cho cac thanh vién khac trong to. Thong tin do la mét vecto OM chi dé dich
churyen tir to den nen ¢6 hoa,
- Tia OM phan do duong 50 8 trong vii dign chi lnrong cia vecto
—Thini pran mia 58 1 18 thudn vén d6 1on cla veoto (khoang cach tir 16 d&n not 6 hoa).
Ninr viy co thé noi loal ong cling bigt bidu dién vecto thong qua mét didu mua

(Nguon: https//en wikipedia org/wika/Round_dance_honey bes)
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B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1: Xac Pinh Mgt Vecto; Phuwong, Huéng Cia Vecto; Do Dai Cia Vecto

1. Phwong phap giai.

e Xéc dinh mot vecto va xac dinh su cung phuong, cung hudng cia hai vecto theo dinh nghia

e Dua vao céc tinh chét hinh hoc cta cac hinh d3 cho biét dé tinh d6 dai ciia mot vecto
2. Cac vi du.
Vi du 1: Cho ttr gidc ABCD . C6 bao nhiéu vecto khac vecto-khong co diém dau va diém cubi 1a dinh
cua tur giac.

Loi giai

Hai diém phan biét, chéng han A, B ta xac dinh dugc hai vecto khac vecto-khong la ZE, EZ Ma tur

bdn dinh A, B, C, D ca tir giac ta c¢6 6 cap diém phan biét do d6 c6 12 vecto thoa méin yéu cau bai toan.

Vi du 2: Ching minh ring ba diém A, B,C phan biét thang hang khi va chi khi Zl—é, ZE cung phuong.
Loi giai
Néu A, B,C thang hang suy ra gia cua Zl—é, ZE déu 1a dudng thang di qua ba diém A, B,C nén

ZE, A—é cung phuong.

Nguoc lai néu ZE, A—é cung phuong khi d6 duong thing AB va AC song song hodc tring nhau.

Nhung hai duong thing nay cung di qua diém A nén hai duong thang AB va AC trung nhau hay ba
diém A, B,C thang hang.

Vi du 3: Cho tam giac ABC . Goi M, N, P lan luot 14 trung diém cua BC,CA, AB .

a) Xac dinh cac vecto khac vecto - khong cung phuong véi MN ¢6 diém dau va diém cudi 1y trong cac
diém da cho.

b) Xac dinh cac vecto khac vecto - khong cung hudng voi AB ¢6 diém dau va diém cubi ldy trong diém
da cho.

—_—

¢) V& cac vecto bang vecto NP ma c6 diém dau A, B.

Loi giai (Hinh 1.4)
a) Cac vecto khac vecto khong cung phuong véi ]\W la W, E, E)él, ﬁ, Eél, ES’ P—B)
%égeﬁ khéc vecto - khong cung hudng véi AB la A’ 4
AP, PB, NM .
¢) Trén tia CB lay diém B' sao cho BB' = NP
Khi d6 ta co BB' Ia vecto c6 diém diu 1a B va bing B

vecto NP . O

B M
Hinh 1.4
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Qua A dung dudng thing song song voi duong thing NP . Trén dudng thang d6 1iy diém A' sao cho
A—/l' cung hudng voi ﬁ va AA'= NP.
Khi d6 ta co A—/l' 1a vecto c6 diém dau 1a A va biang vecto ﬁ .
Vi du 4: Cho hinh vuéng ABCD tdm O canh a. Goi M la trung diém cia AB, N la diém d6i ximg
voi C qua D. Hay tinh d6 dai cua vecto sau ﬁ , W .

Loi giai (hinh 1.5)
Ap dung dinh 1y Pitago trong tam giac vuéng MAD ta co

N D C
0
P A M B
Hinh 1.5

5a° L

2
DMQ:AM2+AD2:[%] tal == DM =2

[

Suy ra

MD‘ Mp =2
Qua N ké dudng thing song song v6i AD cit AB tai P.
Khi d6 tir giac ADNP 1a hinh vuéng va PM = PA+ AM = a + % =—.
Ap dung dinh 1y Pitago trong tam giac vuéng NPM ta co

130> av13
2

= DM =

2
MN? = NP? + PM? = o +[32_“] _

aV13
T

Suy ra M‘ = MN =

Dang 2: Chirng minh hai vecto biang nhau.

1. Phwong phap giai.
e Dé ching minh hai vecto bang nhau ta chirng minh chiing c6 cung do dai va cing hudng hoic dua
vao nhan xét néu ttr gidgc ABCD 14 hinh binh hanh thi AB = DC va AD = BC
2. Cac vi du.
Vidu 1: Cho tir giac ABCD . Goi M, N, P, Q lan luot 1a trung diém AB, BC, CD, DA. Chtrng minh rﬁng
— Q_P, |
Loi giai (hinh 1.6)
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Do M, N lan luot 13 trung diém ciia AB va BC nén MN 1a duong trung binh cta tam gidc ABC suy ra

MN / JAC va MN — %AC ().

D
Tuong ty QP la duong trung binh cua tam giac ADC suy ra A
P
QP //AC va QP = %AC (2). M
Tu (1) va (2) suy ra MN //QP va MN = QP do d6 tor giac B N c
MNPQ 14 hinh binh hanh Hinh 1.6

Viy taco MN =QP

Vi du 2: Cho tam gidac ABC ¢6 trong tdm G . Goi I la trung diém cia BC. Duyng diém B' sao cho

B'B=AG.

a) Chimg minh rang Ej = E

b) Goi J 1a trung diém cia BB'. Ching minh rang Ef = E
Loi giai (hinh 1.7)

a) Vi I 1a trung diém cia BC nén BI = CI va B—f cung

huéng véi E do do6 hai vecto E ,E bang nhau hay

BI = IC.

b)Taco B'B = AG suyra B'B = AG va BB'/ JAG.

Do d6 BJ, IG cung hudng (1). Hinh 1.7

Vi G 1a trong tdm tam gidc ABC nén IG = %AG, J 1a trung diém BB' suyra BJ = %BB'

Vivay BJ = IG (2)

Tt (1) va (2) tacé BJ = IG.
C. CAU HOI TRAC NGHIEM
Cau 1:  Vecto co diém dau 1a D, diém cudi la E duogc ki hidu 1a
A. DE. B. ‘ﬁ‘ C. ED. D. DE.
Loi giai
Chon D
Cau2: Cho tam gidc ABC. C6 bao nhiéu vecto khac vecto - khong co diém dau va diém cudi 1a cac
dinh 4, B, C?
A. 3. B. 6. C. 4. D. 9.
Loi giai

Chon B

Cau3: Cho t gidc ABCD. Co bao nhiéu vecto khac vecto - khong c6 diém du va cudi 1a cac dinh
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cua tu giac?
A. 4. B. 6. C. 8. D. 12.
Loi giai
Chon D
Xét cac vecto c6 diém A 1a diém dau thi c6 cac vecto théoa méan bai toan Ia
E, E, AD ——> ¢6 3 vecto.
Tuong tu cho cac diém con lai B, C, D.
Ciu4: Meénh dé nao sau ddy ding?
A. C6 duy nhit mot vecto ciing phuong voi moi vecto.
B. C6 it nhit hai vecto c6 cuing phwong v&i moi vecto.
C. C6 v6 s vecto cung phuong voi moi vecto.
D. Khong c6 vecto nao cung phuong véi moi vecto.
Loi gidi
Chon A
Vi vecto - khong cung phuong vdi moi vecto.
Ciu5: Chobadiém 4, B, C phan biét. Khi do:
A. Piéu kién can va du dé 4, B, C thang hang la AB cung phuong véi AC.
B. Piéu kién du d&& 4, B, C thing hang 1 voi moi M, MA cung phuong véi AB.
C. Diéu kién can dé 4, B, C thang hang 12 v6i moi M, MA cung phuong véi AB.
D. Piéu kién can dé 4, B, C théng hang la AB=AC.
Loi giai
Chon A
Cau6: Goi M, N lan luot la trung diém cua cac canh AB, AC cua tam giac déu ABC . Hoi cap vecto
nao sau day cung hudéng?
A. MN vi CB. B. 4B va MB. C. MA va MB. D. AN va CA.
Loi giai
Chon B

Cau7: Cho luc gidc déu ABCDEF tam O. S6 céc vecto khac vecto - khong, cuing phuong véi OC ¢6
diém dau va diém cuoi la cac dinh cua luc giac 1a
A. 4. B. 6. C.7. D. 9.
Loi giai
Chon B
Do 1a cac vecto: @, Eél, ﬁ?, ﬁ), ﬁ, CF .
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C B

E F

Cau8: V6i DE (khac vecto - khong) thi d§ dai doan ED dugc goi la

A. Phuong cua ED. B. Hu6ng cua ED.

C. Gia cia ED. D. Do dai ctia ED.
Loi giai

Chon D

Ciu9: Ménh dé nao sau day sai?

A. AA=0. B. 0 cung huéng voi moi vecto.

C. ‘ZE‘ > 0. D. 0 cung phuong véi moi vecto.
Loi gidi

Chon C

Vi ¢6 thé xay ra truong hop ‘Zﬁ‘ =0 A=B.

Céu 10: Hai vecto dugc goi 1a bang nhau khi va chi khi
A. Gié cta ching tring nhau va d6 dai caa chiing bang nhau.
B. Chung tring v6i mot trong cac cip canh ddi ciia mot hinh binh hanh.
C. Chung tring voi mot trong cac cip canh d6i ciia mot tam giac déu.
D. Ching cung huéng va d6 dai cia chung bang nhau.
Loi giai
Chon D
Céu 11: Cho bén diém phan biét 4, B, C, D va khong cung nam trén mot duong thang. Piéu kién nao

trong cac dap an A, B, C, D sau day la diéu kién can va da dé AB=CD?

A. ABCD 1a hinh binh hanh. B. ABDC 1la hinh binh hanh.
C. AC=BD. D. AB=CD.
Loi gidi
Chon B
Ta co:

B/ CD
1, = ABDC la hinh binh hanh,

S — A
. AB:CD:>{
A

B/CD — _—
- D:>AB=CD.

A
e Mit khac, ABDC 1a hinh binh hanh = {A

Do d6, didu kién can va di dé 4B =CD la ABDC 1a hinh binh hanh.
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Cau 12:

Cau 13:
sai?

Cau 14:

dinh nao

Cau 15:

Cau 16:

WEB: TOANTHAYCU.COM
Cho bbn diém phan biét 4, B, C, D théa man AB=CD. Khéng dinh nao sau day sai?

A. AB cung huéng CD. B. AB cung phuong CD.

C. [4B|=cD| D. ABCD 14 hinh binh hanh.
Loi giai

Chon D

Phai suy ra ABDC 1a hinh binh hanh (néu 4, B, C, D khong thing hang) hodc bén diém
A, B, C, D théng hang.
Goi O 1a giao diém cua hai dudng chéo cua hinh binh hanh ABCD . Piang thirc nao sau day

A. AB=DC. B. OB = DO. C. 04=0C. D. CB=DA.
Loi gii
Chon C
Cho t& gidc ABCD. Goi M, N, P, O lan luot 13 trung diém cua AB, BC, CD, DA. Khing

sau day sai?

A WV =0 bloFl<p|  cmo=NP  o.[i|=[ac|

Loi giai

Chon D.

Ta c6 {MN/_/ PO

(do cung song song va bang %AC ).

Do @6 MNPQ 1a hinh binh hanh.
Cho hinh vudng ABCD . Khing dinh nao sau dy ding?

A. AC=BD. B. 4B =CD.

C. ‘Zﬁ‘ :‘Eé‘ D. Hai vecto 4B, AC cing hudng.
Loi gidi

Chon C

Vi AB:BC@‘E‘ :‘BT‘.

Goi O 1a giao diém cua hai dudong chéo hinh chit nhat ABCD . Ménh dé nao sau diy dang?
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A. OA=0C. B. OB va OD cung hudng.
C. AC va BD cung hudng. D. ‘Z@‘:‘Eﬁ‘

Loi giai
Chon D

Goi M, N lan lugt 1a trung diém cua cac canh 4B, AC cua tam giac déu ABC. Dfmg thirc nao

sau day dang?

Cau 18:

Cau 19:

Cau 20:

A. MA=MB. B. AB = AC. C. MN = BC. D. ‘ﬁ‘zz‘m‘.
Loi gidi
Chon D
A
M N
B c

Ta co6 MN la dudng trung binh cia tam giac ABC.
Do d6 BC =2MN——>|BC|=2|MN]|.
Cho tam giac ABC déu canh a.Goi M 1a trung diém BC . Khing dinh nao sau dy dang?

a3
=

A. MB =MC. B.mz%. C. AM =a. . [4] =
Loi giai
Chon D

Cho hinh thoi ABCD canh a va BAD = 60°. Ding thirc nao sau day dung?

A. AB = AD. B. ‘Eﬁ‘za. C. BD=AC. D. BC = DA.
Loi giai
Chon B

B
D
Tir gia thiét suy ra tam gidc ABD déu canh @ nén BD=a —)‘@‘ =a.
Cho luc gidc déu ABCDEF ¢6 tam O. Pang thirc ndo sau diy sai?

A. AB=ED. B. ‘EHF‘. C. OD=BC. D. OB = OE.

Loi giai
Chon D
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Céu 21: Cho luc giac déu ABCDEF tam O. Sé cac vecto bang OC ¢6 diém dau va diém cudi 1a cac

dinh cua luc giac la

A. 2. B. 3. C. 4. D. 6.
Loi giai
Chon A
bo 1a cac vecto: ﬁ, ED.
o B
D A
E F

Céu 22: Cho tam giac ABC c6 tryc tim H . Goi D 1a diém d6i xtmg véi B qua tdm O cta dudng tron
ngoai tiép tam giac 4ABC . Khing dinh ndo sau day dang?

A. HA=CD via AD=CH . B. HA=CD vi AD=HC .

C. HA=CD vi AC=CH . D. HA=CD via AD=HC va OB=0D.
Loi giai

Chon B

Tacé AH L BC va DC 1 BC (do goc DCB chén nira duong tron).

Suy ra AH // DC.

Tuong ty ta cling c6 CH /| AD.

Suy ra ttr gidc ADCH 13 hinh binh hanh. Do d6 HA=CD va AD = HC .
CAu23: Cho AB=#0 va mot diém C. Co6 bao nhiéu diém D thoa min ‘ZE‘ = ‘55‘ ?

A. 0. B. 1. C. 2. D. V6 s6.

Loi giai
Chon D.
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Ta co ‘ﬂi‘ =‘@‘ < AB=CD. Suy ra tap hop cac diém D théa min yéu cau bai toan la
duong tron tam C, ban kinh AB .
Ciu24: Cho AB#0 vamjtdiém C. Co bao nhiéu diém D théoa man AB=CD ?
AL B. 2. C.o. D. V6 s6.
Loi giai
Chon A
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Bai 2. TOng va hiéu cta hai vecto

Til khoi: Téng cilia hai vecto; Hiéu cila hai vecta; Quy tic ba diém; Quy tac hinh binh hanh.

Wit kién hang dugc vin chuyén tif didm A dén diém B rél 1ai duge vin chuyén tir diém 8
dén diém C. Thm vecto biéu dién téng cila hai d6 dich chuyén: AB + BC .

"

1. Tong cida hai vecte

SO} Mot 16 bét the hign Lién tiép hai chuyén dong 6 '8 c
d6 dich chinyén lin hoot duoe bigu dign bor har vecto b
AB va BC (Hinh 1). Tim vecto bitu difn dd dich
chuyén ciia 16 bt sawhai chuvén dong trén.
:9: Hinh |
Che hai vecto & va &, Tir mét didm 4 tuy v. liy hai
didm B, Csaocho AB=d, BC=h Khido AC duoe
goi li tong ciia fai vecto @, b vi duge ki luéu la
at+h

Vay d+b=AB+ BC = AC.

Phep todn tim tong cia ha vecto con duoc goi 1a phép edng vecto,
Tir dinh nghia tong ctia hai vecto, ta suy ra quy tic cong vecto sau day:
Oy tic ba diém M
Véi ba diém M, N, P, ta c6: MN + NF= MP £
N Hinh 3

Chii y: Khi cong hai vecto theo quy tac ba diém, dism cudi ciia vecto thir nhat phai 1a
digm dau cua vecto thir hat
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Vidu 1
Cho cac digm £, F, G, . K Thue luén cac phép cing vecto,

EF + FH, FK + KG, EH + HE
i
Ap dung quy tic ba digm, ta co:
EF +FH=EH, FK+KG=FG, EH+HE=FEE=0

B c
S Chotinh binh hinh ABCD (Hink 4 ) | A7

"
; i e y . Y
Chimg minh ring AB+ AD = AC £ = —-—“"'f Z,f‘
, L ) ,¢| D
Tir Q ta sy 1a quy tac cong vecto sau day
Hinh 4
Quy tic hinh binh hinh 5 »
Néu O4BC 14 hinh binh hanh thi ta ¢6 G4 +0C = OB.
=
Hinh 5
Vidu 2
Tim tong ciia hai vecto d va b trong Hinh 6. }l 71"‘—
G 4 f/‘ A P
/) o LT
Tach a=AB b=AD suyra a+b =48 + AD. P
Gl
Thee quy tic hinh binh hanh, ta ¢é AB + AD = AC Hinh &

Viy @+b=AC

Chii y: Bé ip dung quy tic hinh binh hanh, ta can dim bai todn tim tong hai vecto vé bai
toan tim tong ciia hai vecto cd chung diém dan.

% Chohinh thang ABCD céhai canhday1aABvaDC Chobiét a= AC « CB, b = DB + BC,

Chimyg minh hai vecto 4 va b cimg huremg,

@I Cho tam gide d&uABC ¢6 canh bing @ Tim 46 dii cia vecto AB+4C.
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30 kmih
Q Mot may bay i vecto vin toe chi theo hidng bie, vin toe gu: la
mot vecto theo liromg dong nhu Hinh 7. Tinh d¢ da vecto ‘r.nn.g
enla han vecto noi trén

£
E
a

@ Hai nguén cing kéo mét con thuyén von hai lue Hinh 7
F =04, F, =0B ¢6d31én lan huot 1a 400 N,
600 N (Hinh 8). Cho biét goe giita hai vecto la
60°. Tim dd 16n ctia vecto hop lue F 14 tong
ctia hai lye F, va F,

2. Tinh chat cia phép céng cac vecto

ﬁ& Cho ba vecte @, &, ¢ duoe bidu difn nhi
Hinh 9 Hiy hoin thanh cie phép cong
VRO $a1 w&ms&:ﬂmﬂlc&l qua tm dusye:

o) d+b=AB+ BC
b+a=AE+EC=]}
b) (@ +5)+=(AB+ BC)+CD-Ac+CcD=I PASIEE
i+(b+é)=AB+(BC+CD)=AB+ED-
Phép cing vecto co cac tinh chat sau’
» Tinh clat piao hoan: @+b =b +d,
= Tinh cht ket hop, (E+5}+E=E+[5+E};
* Vén moi vecto d , ta ludn o @+ 0=0+d=a
Cha y: Tir tinh chat ket hop, ta co theé xac dinh duoe tong ciia ba vecto &, b, &, ki higu
ladg+b+evia+b+e=(G+b)1+
Vidu3
Cho tit gidc ABCD. Thue hién cae phép cong vecto sau:
a) (AB+CA)+ BC; b) AB+CD+BC+DA.
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Cridi
Ap dung tinh chat giao hoan va ket hop cia phép cong vecto, ta co

S—

a) |AB+CA)+BC =(C4+4B)+BC =CB+BC =CC =0,
i

b} AB+CD+BC+DA=AB+BC+CD+DA=A44=

Q_‘ Cho hinh vudng ABCD ¢6 canh bing 1. Tinh 43 dii ctia céc vecto sau
b) @=AB+AD+BC+DA

a) @=(AC + BD)+CB,
Chiiy: Chovecto tay vy a = AB. =
B
Tﬁl:ﬁ&+|:—&]=_-:lﬂ+3_-l—_44=ﬂ A Hiah 10
Tong hai vecty doi nhau ludn bing vecto-khing: a+(-d)= 0

3. Hiéu cua hai vecto
‘Ch; Tim hop lie ciia hai lue 3t nhau F va —F (Hinh 11)

.:@:.

=
Cho hat vecto @ va b Higu eda hai vecte' @ va b laveclo
i1

=

d+(~b) vakihidu d—b
Hinh 12

Fhép toan tim luén cia hat vecto con dirge gon la phép trie vecte

Vidud
Cho cac diem M, N, P, O. Thue hién cac pheép T vecto sau. MN - PN, PM PO
i

I—ll;

EIDD
MN —PN =MN+NP=MP |

A
PM —PQ =PM+QF =0P +PM =0M .
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Chu y:
Cho ba didgm O, A, B, ta cé: OF —OA=ARB,
_ ks Hinh 13
Cho hinh vuéng ABCE co canh biang 1 va mot diem O tuy y.
Tinh d& dai cfta cac vecto sau:
a) @=08-0D; b) & = (OC -0A)+(DE- DC)

4. Tinh chdt vecto ciia trung diém doan théng vé trong tdm tam gidc

ﬂ a) Cho diem M 14 trung diém ciia doan thing 4B. Ta di biet ME = -MA = AM .
Hodan thanh phép céng vecte saw NEA + MB = M + AN = g =
B

= ’ M .
Hinh 14

b) Cho diem Ié; trong tam r:l'L_a tam giac A8C ¢o
trung tuyenAl Lay D ladicm do1 ximg vod & qua 5
Ta cd BGCD la hinh binh hanh va G la tnmg diem 37 X
ctia dogn thing 4D, Véi hm y ring GB+GC =GD S

A GA = DG, hoan thi y : . ' §e~
P | e g <

GA+GE+CGC=GA+GD = DG+ Ghr= DD=

Hi
Mguon ta chimg munh duce cae tinh chat: nh 15

:glﬂiémjulﬂ trung diém oa doan thing A8 kin va chi kln MA+MB =0,
Pidm G 1a tromg tam clia tam giac ABC khi va chi ki G4+ GB+GC =0,
Vidu 5
Cho tir gide ABCD ¢o 1, J1an lugt 1 trung difm cia 4B, CD va O la tnng didm cia 1/,
Chimg munh 04+ OB +0C +00 =0
Cridi
D I J, & Ian lugt Ia tnmg diem eia 4B, CD va LM nén:
T+ =0, JO+JD -0 OF + 87 =0
Ta cd: Qd+ OB +0C+0D = (O + I4) + (01 + IB) +(QJ + JC)+ (OJ + JD)
= (OF + Q)+ (IA+ IB)+ (O + Gy + (JC + JD)
=0
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@5 Cho hinh binh hanh ABCD ¢6 tam ¢, Tim ba digm M, N, P thoa mén
a) MA+MD+MBE=10: b) ND+NB+NC=0: ¢} PM+PN=0.

1. Chio hinh binh hanh ABCD ¢6 0 1a giao diem hai duomg chéo va mot diem M fuy v Clamg

minh rang;
a) Bd+DC=0; b) Md+MC =MB+MD,

2. Cho nr giac ABCD, thare hién cac phép cong va tnr vecto san
a) AB+BC+CD+ DA, b) AB - AD, ¢) CB-CD

3. Cho tam giac déuABC canh bing a. Tinh d6 dai cia cic vecto:
a) B4+ AC; b) 4B+ AC, ¢) B4-BC

4. Cho hinh binh hinh ABCD ¢6 € 1a giao d2m hai dwémg chéo. Chimg minh ring;
a) OAd-0B =00 -0C; k) @4-0B+DC =0

5. Chobaluc F, =MA, F, =ME va F, = MC cimg tac dong vao mat vit tal digm M va vit dimg
yén Cho biét cimg dacna F,, F. déula 10N va 4ME = 90° Tim dd 1ém cia hue F,

6. Khi may bay nghiéng canh mot géc e, I Flena khong
khi tac déng vuéng goe vl canh va biang tong ciia lne
ning F, valuc ein £, (Hinh I16). Cho bigt & =30" va
|E| = a Tinh [F] va [F| theo

7. Cho hinh vuéng ABCD cécanh bing avaba dign G, H, K thod
miin: K4+ KC =0 GA+GB+GC =0; Hi+HD+HC =0.

=
e I i |
Tinh 30 da1 cac vecto K4, GH , AG f_!,
8. Mot con tin oo vecto vin toe chi theo hirémg nam, van toc .r-_
ena dong mroe la mot vecto theo larong dong nlur Hinh 17
Tinh 5 dai vecto tong ctia hai vecto noi frén a
E
=

toa?

Hinh 17

Gido vién c6 nhu cdu sé hitu tron bé file word Bai giang Todn 9,10,11, 12 ¢6 16i gidi chi tiét vui long lién hé zalo Tran
Dinh Cuw: 0834 332 133 dé dwoc hé tro toi da . “Trdnh mua cdc trang va cdc cd nhéan khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 292



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1: Xac dinh @6 dai tong, hiéu ciia cic vecto.

1. Phwong phap giai.
Dé x4c dinh do dai téng hiéu cua cac vecto
e Trudc tién st dung dinh nghia vé téng, hiéu hai vecto va cac tinh chét, quy tac dé xac dinh dinh
phép toan vecto do.
e Dua vao tinh chat cta hinh, sir dung dinh li Pitago, hé thirc luong trong tam giac vudng dé xac
dinh d¢ dai vecto do.
2. Cac vi du. B D
Vi du 1: Cho tam gidc ABC vudng tai A c6 ABC =30° va BC = a5 .

—_— —— ——

Tinh d06 dai cua cac vecto AB+BC, AC—BC va AB + AC
Loi giai (hinh 1.10)

Theo quy tic ba diém ta co

e AB+BC=AC Ma sinABC = A€ A C
BC Hinh 1.10

[

— AC = BC.sin ABC = av/5.5in30° =

a5
2

Do dé ‘E+EE =‘X5‘=AC=

e AC-BC=AC+CB=AB

4

Tacdo AC* + AB* =BC?* = AB=+BC*-AC? =,|5a° - 5

a15
2

Vi vy ‘E—B—c :‘A—B‘ — AB=
e Goi D ladiém sao cho tir gidc ABDC 13 hinh binh hanh.

Khi d6 theo quy tic hinh binh hanh ta c6 AB+AC = AD

Vi tam gidc ABC vudng & A nén tir gidc ABDC 1a hinh chir nhat suy ra AD =BC = a\/g

Viy ‘Em? =‘A‘5‘ — AD =av5

Vi du 2: Cho hinh vuéng ABCD ¢6 tam 13 O va canh a. M 1a mot diém bat ky.

a)Tinh‘E+E‘, @—54

04 B,

b) Chtng minh ring w= MA + MB — MC — MD khong phu thudc vi tri diém M . Tinh d6 dai vecto

u
Loi gidi (hinh 1.11)
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a) + Theo quy tic hinh binh hanh tac6 AB + AD — AC

Suy ra |AB + AD| = ‘AC‘ — AC.
Ap dung dinh li Pitago ta co C’

AC® = AB* + BC* = 22> = AC =2
Véy‘ﬁ—i—ﬁ — a2

+ Vi O la tim cua hinh vudng nén O—A = E suy ra A B
OA—CB = CO — CB = BC
Véy‘OTi—CE‘z‘BC‘za

+ Do ABCD 1a hinh vudng nén 513 — BA suy ra
C_l’)—ﬂ:a—f—E:B_D’ Hinh 1.11
Ma ‘BD‘ — BD = JAB + AD? = av2 suy ra

‘CD — DA| = a2

b) Theo quy tic phép trir ta co

—

u:(MA—MC)Jr(MB—MD):cTHﬁ

Suy ra u khong phu thuc vi tri diém M .

Qua A ké dudng thang song song véi DB cat BC tai C'"'.

Khi d6 tr giac ADBC'' 14 hinh binh hanh (vi ¢6 cip canh ddi song song) suy ra Eé = AC"
Dodé u = CA+ AC' = CC'

—

Vi vay |u

:‘@‘:BC+BC':a+a:2a

Dang 2: Chirng minh ding thirc vecto.

1. Phwong phap gidi.

e Déching ’minp dang Fhl:l’C Vec:co ta co cac cach bién doi: vé nay thanh vé kia, bi’én Q6i tuong
duong, bién doi hai vé crl‘mg bang mot dai luong trung gian. Trong qua trinh bién d6i ta can st
dung linh hoat ba quy tac tinh vecto.

LW y: Khi bién d6i ceA}n phé.i huwong dich , 9h§1ng han bié:n ddi vé phai, ta cin xem vé trai c6 dai lugng né}o
de: tl‘I,dé lién tuél}g qén kién thirc da c6 dé lam sao xuat hién cac dai lugng & vé trai. Va ta thuong bién
doi vé phuec tap vé vé don gian hon.

2. Cac vi du.

Vi du 1: Cho nam diém A, B,C, D, E . Chiimg minh rang

a) AB + CD + EA = CB + ED
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b) AC + CD — EC = AE — DB + CB
Loi giai

a) Bién doi vé trai ta c6
VT:(R+C§)+C?+(E+E4)
:(C?+ﬁ)+(ﬁ+07))+ﬂ
= (@ + ﬁ) + AD + DA

— CB + ED = VP BPCM
b) Pang thtic twong duong véi
(4G~ AF) + (0D - GB) - 86 + DB = 0
o EC+BD—EC+DB=0
BD + DB = 0 (ding) DPCM.
Vi du 2: Cho hinh binh hanh ABCD tam O. M la mét diém bt ki trong mit phang. Chirng minh rang

a) BA+ DA+ AC =0

e, A B
b) OA+ OB+ 0C+0D =0
c) MA+ MC = MB + MD . 0
Loi giai (Hinh 1.12) &
L D C
a)Taco BA+ DA+ AC = —AB—-AD + AC Hinh 1.12

:—(EJFE)JFE

Theo quy tic hinh binh hanh ta c¢6 Zl—é + ZB = A—(j’ suy ra

BA+ DA+ AC = —AC +AC =0
b) Vi ABCD 14 hinh binh hanh nén ta ¢6: OA = CO = OA + OC = OA + AO = 0
Tuongtu:0—£3)+0—l)':6:>0_z'4+0_3'+%+0—l)':6.

D —

¢) Cach 1: Vi ABCD 14 hinh binh hanh nén AB = DC = BA+ DC = BA+ AB = 0

— MA+ MC = MB + BA+ MD + DC
— MB + MD + BA+ DC = MB + MD

Céch 2: Pang thiic twong duong véi

MA — MB = MD — MC < BA = CD (ding do ABCD 14 hinh binh hanh)
Vi du 3: Cho tam giac ABC'. Goi M, N, P lan luot 14 trung diém cua BC, CA, AB . Ching minh ring

a) BM + CN + AP =

b) AP + AN — AC + BM = 0
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¢) OA + OB + OC = OM + ON + OP véi O la diém bét ki.
Loi giai (Hinh 1.13)
a) Vi PN, MN 1a duong trung binh cua tam giac ABC nén

PN //BM, MN //BP suy ra tir giAc BMNP 14 hinh binh hanh A
= BM = PN
. S p N
N la trung diém cua AC = CN = NA
Do d6 theo quy tic ba diém ta co
W+ﬁ+ﬁ:(ﬁ+ﬂ)+ﬁ B M ¢
22’71—}—2526 Hinh 1.13

b) Vi t&t gidc APMN 1a hinh binh hanh nén theo quy tic hinh binh
hanhtacé AP + AN = AM , két hop véi quy tc trr

w AP+ AN —AC +BM = AM — AC + BM = CM + BM

Mé@—k@ = 6 do M 1a trung diém cua BC.

Vay AP+ AN — AC +BM = 0.

¢) Theo quy tic ba diém ta c6
574+5§+55=(5ﬁ+?74)+(0ﬂ+1\73)+(§\f+ﬁ)
:(07\4'+5ﬁ+513)+}71+ﬁ+ﬁ5
:(07\4'+5ﬁ+513)—(@+51\7+213)
Theocéua)tacé@+5]\7+ﬁz6suyraa+5§+55:Oﬂ+5ﬁ+5§.

CAU HOI TRAC NGHIEM
Ciu 1: Chobadiém 4, B, C phan biét. Khiang dinh nao sau day ding?

A. AB+ AC = BC. B. MP+ NM = NP.

C. CA+BA=CB. D. A4+ BB = AB.
Loi giai

Chon B

Xét cac dap an:
* Dap 4n A. Ta c6 AB+ AC = AD # BC (v6i D la diém théa man ABDC 14 hinh binh hanh).
Vay A sai.

* Dap 4n B. Ta ¢ MP+ NM = NM + MP = NP. Vay B dung.

« Dép 4n C. Ta ¢6 @Jrﬁ:—(ﬁwrﬂ):—ﬂ);t@ (v6i D 1 diém thoa min ABDC 1a
hinh binh hanh). Vay C sai.

*Dap an D. Taco AA+BB=0+0=0+ AB. Vay D sai.

Cau2: Cho a va b 1a cac vecto khac 0 voi a 1a vecto doi cia b . Khang dinh nao sau day sai?
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Cau 5:

Cau 6:

Cau 7:
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A. Hai vecto a, b cung phuong. B. Hai vecto a, b nguoc hudng.

C. Hai vecto ZI,B cung do dai. D. Hai vecto Zz,l; chung diém dau.
Loi giai

Chon D.

Tacé a=-b.Dodo, a va b cung phuong, cung do dai va nguoc hudng nhau.

Cho ba diém phan biét 4, B, C . Pang thirc nao sau day dang?

A. CA-BA=BC. B. AB+ AC = BC.

C. AB+CA=CB. D. AB-BC = CA.
Loi gidi

Chon C.

Xét cac dap an:
* Dap 4n A. Ta c6 CA—BA=CA+ AB=CB=-BC. Viy A sai.

 Dap 4n B. Ta c6 AB+ AC = AD = BC (v6i D la diém théa man ABDC 14 hinh binh hanh).
Vay B sai.

* Dap 4n C. Ta cd AB+CA=CA+ AB=CB . Vay C dung.
Cho AB=-CD. Khang dinh nao sau day ding?

A. AB va CD cung huéng. B. AB va CD cing do dai.
C. ABCD 14 hinh binh hanh. D. AB+DC =0.

Loi giai
Chon B.

Tacdé AB=-CD = DC . Do do:
« AB va CD ngugc hudng.
* AB va CD cung do dai.
 ABCD 12 hinh binh hanh néu 4B va CD khong cung gia.
e AB+CD=0.

A. MR. B. MN. C. PR. D. MP.
Loi giai
Chon B.

Cho hai diém 4 va B phan biét. Diéu kién dé 7 1a trung diém AB 1a:

A. IA=IB. B. I4A = IB. C. IA=-IB. D. Al = BI.
Loi giai

Chon C.

biéu kién nao 1a dicu kién can va du dé I 1a trung di€m cua doan thang AB ?
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A. IA=IB. B. IA+ 1B =0. C. IA-1B =0. D. I4=IB.
Loi giai
Chon B.
Piéu kién cn va du dé I 1a trung diém cua doan thing AB 14 Id=—IB < IA+IB=0.
Cho tam gidc ABC can & A, dudng cao AH . Khang dinh nao sau day sai?

A. AB=AC. B. HC =—HB. C. ‘EHE“. D. BC =2HC.
Loi giai
Chon A.
A
1
B® I °C

Tam giac ABC can & A, dudng cao AH . Do d6, H 1a trung diém BC.
Ta co6:

OAB:AC:‘ZE‘z‘Zé‘

» HC =-HB
* H latrungdiém BC=-<__ . __ .
BC =2H:

Cho hinh vudng ABCD . Khing dinh nao sau ddy ding?

A. AB = BC. B. AB=CD. C. AC = BD. D. ‘EHEE‘.
Loi gii
Chon D.
A B
D C

ABCD 14 hinh vuéng = AD = BC = —CB = \E\ = @\ .

Céau 10: Ménh d& nao sau day sai?

A.Néu M 1a trung diém doan thing AB thi MA+MB =0.
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B. Néu G la trong tdm tam giac ABC thi GA+GB+GC =0,
C.Néu ABCD 1a hinh binh hanh thi CB+ CD = CA.
D. Néu ba diém phén biét 4, B, C nam tuy y trén mot duong thang thi ‘Zﬁ‘ + ‘?(—f‘ = ‘Z@‘
Loi giai
Chon D.
Véi ba diém phan biét A4, B,C ndm trén mot duong thfmg, déng thire
‘ZE‘+‘§6‘ :‘ZE" < AB+BC = AC xayrakhi B nim giira 4 va C.

Céau 11: Goi O 1a tam hinh binh hanh ABCD . Pang thirc nao sau day sai?

A. O4-0B =CD. B. OB-0C = 0D - OA.
C. AB-AD =DB. D. BC-BA=DC-DA.
Loi giai
Chon B.
B, <
0
AT -
D

Xét cac dap an:
* Dap 4n A. Ta c6 OA— OB = BA=CD . Viy A dung.
OB-0C =CB=-AD

—_—

. . Vay B sai.
OD—-0A= AD

* Pap an B. Ta co {

 Dap 4n C. Ta c6 AB— AD = DB. Vay C dung.

o |BC-BA=4C _ )
ebépanD.Tacéy_ . . _ .VayDdang.
DC-DA=AC

Céu 12:  Cho hinh binh hanh ABCD . Pang thtic ndo sau day dung?

A. AB-BC = DB. B. AB— BC = BD.

C. AB-BC =CA. D. AB—-BC = AC.
Loi gidi

Chon A.

Do ABCD 1a hinh binh hanh nén BC = 4D.
Suy ra AB-BC = AB—AD = DB.
Cau 13: Goi O la thm hinh vuéng ABCD. Tinh OB-0OC .
A. OB-0C =BC. B. OB -0C = DA.
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C. OB-OC = 0D - OA. D. OB—OC = A4B.
Loi giai
Chon B.
Tacd OB—OC=CB=DA.
Céu 14: Cho tam giac ABC déu canh a. Ménh d& nao sau day dung?

A. AB=BC = CA. B. CA=—A4B.

. [48|=[Bc|=|ci=a b. Ci=-BC
Loi giai

Chon C.

D¢ dai cac canh cua tam giac la a thi d6 dai cac vecto ‘ZE" = ‘?@‘ = \Z:Z\ =aqa.

Céu 15: Cho tam giac ABC véi M 1a trung diém BC. Ménh d& nao sau day dung?

A. AM +MB + BA=0. B. MA+ MB = AB.
C. MA+MB=MC. D. AB+ AC = AM.
Loi gidi
Chon A.
A
N
.- X .
M C

Xét cac dap an:
* Pap an A. Ta co AM + MB+BA=0 (theo quy tic ba diém).
*Papan B, C. Taco MA+MB =2MN = AC
(v6i diém N 1a trung diém cia AB).
* Dap an D. Ta co AB+AC =24M .
Céiu 16: Cho tam gidc ABC v6i M, N, P lan luot 1a trung diém cua BC, CA, AB . Khang dinh nao sau

day sai?

A. AB+BC+CA=0. B. AP+ BM +CN =0.

C. MN + NP+ PM =0. D. PB+MC = MP.
Loi gidi

Chon D.
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Xét cac dap an:
*Dap an A. Tacd AB+BC+CA=AA=0.
* Dap 4n B. Ta co F+W+C—N:%ﬁ+%ﬁ’+%a

- L(4B+BC+Cd)=14i=0.
2 2

* Bap 4n C. Ta ¢ MN + NP+ PM = MM =0.
« Dap 4n D. Ta cb ﬁ+MTJ:%E+%R’:%E:W:W:-W.

Cau 17: Cho ba diém phan bi¢t A4, B, C. Ménh dé nao sau day dang?

A. AB+BC = AC. B. AB+BC+CA=0.

C. 4B~ BC «[Ci|~ 5| . 4B~ Ci - 5C
Loi giai

Chon B.

Pap an A chi dung khi ba diém 4, B, C thiang hang va B nam giita 4, C .
Dép an B ding theo quy tic ba diém.
Cau 18: Cho tam gidc ABC c6 AB = AC va dudng cao AH. Péng thic ndo sau ddy dung?

A. AB+ AC = AH. B. HA+HB+HC =0.
C. HB+HC =0. D. 4B = AC.

Loi giai
Chon C.
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A

1

& .

H C
Do AABC cantai 4, AH 1a duong cao nén H 1a trung diém BC.
Xét cac dap an:
* Dap 4n A. Taco6 AB+ AC =24H.
*bépan C. Tacod HB+HC=0 (do H 1atrung diém BC).
* Pap an D. Do 4B va AC khong cung phuong nén AB = AC.
Céiu 19: Cho tam gidc ABC vudng can dinh 4, dudng cao AH . Khang dinh nio sau déy sai?

A. ‘ﬁ+ﬁ§‘:‘ﬁ+ﬁé‘. B. AH — AB = AH - AC.
C. BC-Bi-HC- . D. [F| =[4B - 4H].
Loi giai
Chon B.
A
B H" -

Do AABC cantai A, AH la dudng caonén H 1a trung diém BC.
Xét cac dap an:

(47 + 78| =[5 =
*Papan A. Tacéy,_ = _ =
|4H + HC|=|4C|= a

:‘E+FB:‘E+R’.
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o |AH-4B=BH ) .
*bépanB.Tacoy_ . . DododBsai.
AH - AC=CH =-BH

BC—BA=AC .
*PapanC.Taco<s__ . = ——>BC-BA=HC-HA.

HC—-HA=AC

* Bap an D. Ta co ‘ZE—E = ‘EE‘ = ‘ﬁ‘ (do AABC vudng cantai A4).

Cau20: Goi M, N, P lan luot 1a trung diém cac canh AB, BC,CA cua tam giac ABC. Hoéi vecto

MP + NP bang vecto nio trong cc vecto sau?

A. AP. B. BP. C. MN. D. MB+ NB.
Loi giai
Chon B.
A
M P
5 ‘ .
N C

Tac6 NP=BM ——> MP+ NP =MP+BM = BP.
CAu 21: Cho bdn diém phan biét 4, B, C, D. Ménh dé nao sau day dung?

A. AB+CD = AD +CB. B. AB+BC +CD = DA.

C. AB+BC =CD+ DA. D. AB+ AD=CD+CB.
Loi gidi

Chon A.

Ta c6 Z§+5ﬁ:(E+5§)+(5§+§ﬁ):(E+E§)+(5§+§5):Zf)+5§.
Ciu 22: Goi O 1a tam cua hinh vuéng ABCD . Vecto nao trong cic vecto dudi ddy bing CA?
A. BC+ 4B. B. —~OA+OC. C. BA+DA. D. DC-CB.
Loi giai
Chon C.
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Xét cac dap an:

* Dap an A. Ta co BC+AB=AB+BC = AC =—CA.

*Dap an B. Ta co —~0A+0C=0C—-04=AC =—CA.

« Dép 4n C. Ta ¢6 ﬂ+ﬂ:—(E+T3):—E=@.

e Dép 4n D. Ta co R‘—@:R@R‘:—(ﬁﬁ@):—a.

Céu 23: Cho lyc giac déu ABCDEF c6 tam O. Piang thic nao sau day sai?

A. OA+0OC +OE = 0. B. OA+0C + OB = EB.
C. AB+CD+EF =0. D. BC+ EF = AD.
Loi gidi

Chon D.

A B

F C
)

E D

Ta co

. @+@+@=(@+R‘)+ﬁ:@+ﬁ:6. Do do A ding.
. @+R‘+@:(@+@)+@
=OB+ OB =20B = EB. Do do B dung.

[N S —

. AB+CD+EF:(Z§+@)+Ef:(Z§+§5)+EF

= AO+EF = A0+0A4=AA4=0. Do d6 C dang.
Dung phuong phép loai trur, suy ra D sai.
Cau 24: Cho hinh binh hanh ABCD ¢6 O la giao diém cita hai dudng chéo. Hoi vecto (40-DO)
bang vecto nao trong cac vecto sau?

A. BA. B. BC. C. DC. D. AC.
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Loi gidi
Chon B.

AT "
D

Tacé AO-DO=-0A+0D=0D-0A= AD =BC .
Céu 25: Cho hinh binh hanh ABCD c¢6 O 1a giao diém cua hai duong chéo. Pang thirc nao sau déy sai?

A. OA+OB+0OC +0D =0. B. AC = AB+ AD.
C. ‘fﬁﬂ?@‘:‘ﬁgﬁﬁé‘. D. AB+CD = AB + CB.
Loi gidi

Chon D.

B ¢

8]
AT -
D

Xét cac dap an:
* Dap an A. Ta c6 @+@+%+@=(@+R‘)+(@+@):6.
* Pap an B. Ta c6 AB+ AD = AC (quy tic hinh binh hanh).
B4+ BC|=|BD|= BD
*Papan C. Tacos_ =~ _ .
|DA4+DC|=|DB| = BD
* Dap an D. Do 55;&55:(21?+5ﬁ)¢(2§+5§).
Cau 26: Cho hinh binh hanh ABCD cé O la giao diém cua hai duong chéo. Goi E, F lan luot 1a trung
diém ciia 4B, BC . Pang thirc ndo sau déy sai?

A. DO = EB-EO. B. OC = EB+EO.

C. OA+0C +0D + OE + OF =0. D. BE +BF —DO =0.
Loi gisi

Chon D.

Gido vién c6 nhu cau sé hitu tron b file word Bai giing Todn 9,10,11, 12 c6 1oi gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwgc hé tre toi da . “Trdnh mua cdc trang va cic cd nhin khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 305



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

D C

Ta co6 OF, OF lan luot 12 dudng trung binh cta tam giac ABCD va AABC.
= BEOF 1a hinh binh hanh.
BE + BF = BO = BE + BF - DO = BO—DO =0D-0B = BD.
Ciu 27: Cho hinh binh hanh 4BCD. Goi G 1a trong tim cua tam giac ABC. Ménh d& nao sau day

dang?
A. GA+GC+GD = BD. B. GA+GC+GD = CD.
C. GA+GC+GD =0. D. GA+GD+GC =CD.
Loi giai
Chon A.
B
A . .
D C
Vi G 1a trong tim cuia tam gidc ABC nén GA+GB+GC =0
= GA+GC =-GB.
Do d6 GA+GC +GD =GB +GD = GD - GB = BD.
Céu 28: Cho hinh chit nhat ABCD. Khing dinh nio sau ddy dung?
A. AC = BD. B. AB+ AC+ AD =0.
C. ‘ZE—ZB:‘ZZ%ZB. D. ‘?5+§13:‘ZE—Z§.
Loi gidi
Chon C.
A B
D C
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‘E—TD :‘FB‘:BD
Ta co .
(4B + 4| =|ic] - 4c

Ma BD = AC = ZE—ZB‘:‘ZEJFZB‘.

Cau 29: Cho tam gidc ABC déu canh a. Tinh ‘ZI? + ZE‘

A 4B+ 3¢ =0 b [7B+ - 22,
C. ‘E+E":2a. D. ‘E+R"=2a\/§.
Loi giai
Chon A.
A
1
B I c

Goi H la trung diém cua BC = AH 1 BC.

BC\/§ a\/g.

Suyra AH=——=
2 2

Ta lai c6 ‘AB+AC‘ ‘2AH‘ 2"‘/— a3.

Cau 30: Cho tam gidc ABC vudng cantai 4 c6 AB=a. Tinh ‘ZE’ + Z@‘

__a(

A [4B+4C|=av2. B. |4B+ AC| =

C. ‘@+E“:2a. D. ‘E+R“:
Loi giai

Chon A.
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M

Goi M 1a trung diém BC ——> AM :%BC.

Ta c6 ‘ZE+ZE‘:‘2A_AZ‘:2AM =BC=av2.

Cho tam giac ABC vudng can tai C va AB =+/2. Tinh d dai cua AB + AC.
A. ‘E+R“=\/§. B. ‘E+R“=2\/§.
C. ‘ZB+R“=«/§. D. ‘TB+E‘=2\/§.
Loi giai
Chon A.
A
¢ 1 B

Tacéd AB=+2= AC=CB=1.
Goi I 1a trung diém BC = Al =\ AC* +CI? =§.
J5

Khi d6 Z@+Z§=2Z§:‘ZE+Z§ =2‘27‘=2.7=J§.

Cho tam giac ABC vudng tai 4 vico AB =3, AC =4. Tinh @ +E\ .
A.|Cd+4B|=2. B. [+ 4B|= 2413,
C.[Cd+4B|=s5 D. |Cd+ 45|
Loi gidi
Chen C.

Ta co \@+E\=\FB\=CB=\/ACZ+A32 3 +4% =5,
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CAu 33: Tam gidc ABC c6 AB=AC=a va BAC =120°. Tinh ‘ZE+Z€".

A. ‘E+R“=a\/§. B. ‘E+R":a.
C. ‘EHTC‘:%. D. [4B +4C|=2a
Loi giai
Chon B.
A
B' Z'vi ) 'C

Goi M la trung diém BC = AM 1 BC.
Trong tam gidc vudng AMB ,ta cd6 AM = AB.sin ABM = a.sin30° = %.
Ta co 4B+ AC|=[24M|=24M =a,

Céu 34: Cho tam gidc ABC déu canh a, H la trung diém cua BC. Tinh @ - H—C‘

A.[ci-mc|=2. B. |Cd-Hc|=2,
2 2
c. |ea-Fic| =234, b. ci-Hc| =4I
3 2
Loi giai
Chon D.
A
D
B
H C

Goi D 1a diém thoa mén tir gidic ACHD 13 hinh binh hanh
= AHBD 1a hinh chir nhat.
(ci ¢ =[ci + | | = co.
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Cau 35:

Cau 36:

Cau 37:
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2
Tacé CD =+BD* + BC? =~ AH* + BC? = 3%+a2 :a;ﬁ'

Goi G 1a trong tam tam giac vudng ABC vé6i canh huyén BC =12. Tinh d¢ dai cua vecto
v=GB+GC.
A =2. B. |v[=243. C. |v|=s8. D. [ =4,

Loi giai

Chon D.

Goi M 1a trung diém cua BC.

Ta co \@w?c\:\z@\ —2GM :2.1AM:2AM:z(lBCj:£:4.
3 3 302 3

Cho hinh thoi ABCD ¢6 AC =2a va BD =a. Tinh \Zé + ?5\ .

A.[4C+BD|=3a B. [4C+BD|=av3.
C. ‘R’+ﬁ)‘=a«/§. D. ‘R#E‘zSa.
Loi gidi

Chon C.

B

A 0 c
Ju% |
D

Goi O=ACNBD va M la trung diém ciia CD.
Ta co ‘EJFE :2‘%+@‘=2‘2W‘:40M

2
- 4.%00 =2JoD? +OC* = 2,/%+a2 — a 5.

Cho hinh vuéng ABCD canh a. Tinh ‘ZE’—BZ‘
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Cau 38:

Cau 39:

Cau 40:

WEB: TOANTHAYCU.COM

A. ‘E—ﬁ‘zo. B. ‘E—ﬁ‘:a.

C. ‘Zé—ﬂ‘ = a2. D. ‘ZE—BAT‘ - 2a.
Loi giai

Chon C.

Ta cb ‘E—ﬂ‘:‘ﬂ%@‘:‘%‘zwzaﬁ.

Cho hinh vuoéng ABCD canh a, tam O. Tinh ‘@+R"

A. ‘5§+55‘:a. B. ‘5§+5(.f‘=ax/§.
c. o8] 2. 0. 0B 40 - 412,
Loi gidi
Chon A.
A D
r M
9]
B
C

Goi M 1a trung diém ctua BC.
Ta co |0B+0C|=2|0OM|=20M = 4B=a

Cho tam gidc ABC ¢6 M théa man diéu kién MA + MB+ MC = 0. Xéc dinh vi tri diém M.
A. M la diém tht tu cia hinh binh hanh 4CBM.
B. M 1a trung diém cua doan thang A4B.
C. M trung voi C.
D. M 1a trong tam tam gidc ABC.
Loi giai
Chon D.
Goi G la trong tam tam giac ABC.
Tacd GA+GB+GC=0=>M =G.
Cho tam gidc ABC. Tap hop tit ca cac diém M thoéa man ding thic ‘ME -MC ‘ =|BM - BA
la
A. duong thiang AB.
B. trung truc doan BC.
C. duong tron tam A, ban kinh BC.
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D. dudng thing qua 4 va song song véi BC.
Loi gidi
Chon C.

Ta c6 |MB - MC :‘W—ﬂ @‘@‘:‘A_M‘:AM:BC

Ma A4, B, C ¢ dinh = Tap hop diém M 1a dudng tron tdm A4, ban kinh BC.
Cau4l: Cho hinh binh hanh ABCD. Tap hop tit ci cic diém M théoa min ding thirc
MA+MB—-MC =MD la

A. moQt duong tron. B. mot dudng thing.
C. tap rong. D. mot doan thang.
Loi gisi
Chon C.
B
A s
D C

—_—

MA+MB - MC = MD < MB -~ MC = MD -~ MA < CB = AD : v6 i
= Khong c6 diém M thoa man.
Cau42: Cho tam giac ABC vadiém M théa man MB +MC = AB . Tim vi tri diém M.
A. M 1atrung diém cua AC.
B. M 1a trung diém cua AB.
C. M 1atrung diém cua BC.
D. M 1 diém the tu ctia hinh binh hanh 4BCM.
Loi giai
Chon A.
A

Jut |

g ¢ ‘ .
1 C
Goi / 14 trung diém cua BC = MB +MC =2MI
= AB=2MI = M 1a trung diém AC.
Cau 43: Cho tam gidc ABC va diém M thoa man diéu kién MA—MB +MC = 0. Ménh dé& nao sau day
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sai?
A. MABC 13 hinh binh hanh. B. AM + AB = AC.
C. BA+BC = BM. D. MA=BC.
Loi giai
Chon D.
A . A
B C

Tacd MA—MB+MC =0 BA+MC =0 < MC = AB
— MABC 13 hinh binh hanh = M4 = CB.
Do d6 D sai.
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Bai 3. Tich cia mét s véi mot vecto

Tukhos: Tich olia mat 56 vai mbt vecto; Tich cha mat vecto voi mibt sd;
Didu kign cling phuang ala hal vect.

P e B di ciing hurdng v xe A va b tic 86 gip 2 linxe 4.
Xe € i nguigc urdng vl xe A va od 10 86 gdp 2 1an xe 4.

1. Tich ctia mét s6 véi mét vecte va cac tinh chat

Cho vecto 4. Hiy xic dinh 46 did vi lnrdmg cia hai
veelo: d+4, (—a)+(-4) (Hinh 1),

|
i
|
I A p |

E Hinf 1
Cho s6 k khic 0 v veclo 7 khae 0 Tich ctia 56 kvai veeto a 14 mét vecto, ki liéu
la ka.
Vecto ka ciung hutmg vor @ néu k > 0, nguge hnong val @ néuk < 0 va co do dai
bang k] lal.

Ta quy ude 0a=0 va k0=0
Ngu ta con got tich mot 50 vl mot vecto 1a tich etia mot vecto véi mét 36.
Vidu 1
Cho tam grac ABC coM, N lin luot L tnmng diem cac canh

AB. AC (Hinh 2). Tim trong hinh cac vecto bing:
IMN —%IE; —2CN

Crieii

Ta co: 2MN = BC, ——AB= BM = M4, - 3CN= AC. i

b | —
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Ciing nhuw phép nhan va phép céng cae 5o thue, nguad ta chimg nunh dwoe cac phép toan trén
vecto cé cac tinh chat sau:

Vi hai vecto @ va b bat ki, von moa 20 thore &k va &, ta oo

kla+h)=ka+kb, (h+k)d = hi +ka, hikd) = (hk)a,
l-ﬁzﬁ; [—ll_ﬁ:u

Vidu2

Tlure luén cac phép toan vecto sau

a) S(id +v); b) (x+2)d. ¢) —3(4¢), d) 7-28

Criai

a) 5{u+v)="510+5v, b) (x+2)d=xd+2a

¢) -3(47)=(-3. 4)F =-12F; d) F-28=0-2F =(-1iF=
Vidu 3

Cho doan thing AR va mdt didm M tuy ¥ Chimg munh J 13 trung digm cia doan thing
AB khi va chi khi Md+ MB = 204,

Q

— ——

3

E
E;

Tacod MA+MB —2IMT ¢-?Jt—ﬂ+f-i
e NI+ 4 + Er lﬂ-ﬁ

e H+B=0
<> [1a tung diém cia doan thing A8
@l Cho hai vecto 4, b va mét didm M nhe Hinh 3. | |
a) Hay v& cac vecto MN =34, MP=-3b . 5
b) Cho bigt mai & vuéng c6 canh bing 1 E,{g
Tinh: |?JT, ﬂ |25 |-25[. A 1! f [0 1
@z Cho tam gidc ABC. Chimg minh G Ja | |

trong tim cua tam giac ABC klu va chd kin Hinh 3
M + MB +MC = 3MG.

@ Mt con tau chd hing A dang di vé lurdmg tiy vai toc 4 i
20 hai li/gis. Ciing lie do, mdt con tau chd khich B p— L
dang di vé hudmg déng voi toe 46 50 hai li/gid. Bién .

dien vecto vin the b eoiia tau A theo vecto van toc &
cua tau 4
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2. Diéu kién dé hai vecto cung phuong
,@‘! Cho hai veeto @ vi b cing phwong, b khic 0 vi cho & —'Ibf—'[-ﬂ So sanh dé dai v
huomg ciia hal veeto d va ¢

® Haivecto @ va b (b khac 0 ) cimg phwong khi va chi khi ¢6 56 k sao cho i =kb

Nhén xét:

Ba diém phan gt d B, C tiﬁng lang kln va chi klu Al AB BC|c
co 50 k khac 0 38 A= kAC. T A o
Vi du 4 Hink 5

Che tam gige ABC 6 trung tuyén AM. Goi [a
trung diem cuia AM va K la diem trén canh AC

sao cho AK =-::-.4f7'
a) Timh Bi theo .&1 BC,
b) Tinh BE theo B4, BC.

¢) Chumyg minh ba didm B, 7. K thing hing. Hinh 6
(i
— e e BT R . | ——
a) BJ=ﬂ4+.4f=34+?.%I=HA+E[31-!—BA}=7M+E s (1)
b) j&l":&‘&.—ﬁf:ﬂh%.ﬁ_R‘-‘i%gﬂﬁ-&j}:%mﬁﬂﬁ_ ()
¢)Tacd: (1) = 4BI = 2BA+BC
{2} = 3BK =2B4+ EC
o
nanB.F:EBK (3)

Tir (3) ta suy ra ba diem B, /, K thang hang,
Chi y: Cho hai vecto @ va b khéng cimg phirong. Vér mot vecto & lubn ton tai duy

nliat cap s0 thire (o, it} sa0 cho ¢ = md + b

@3 Cho tir giéde ABCD ¢6 Tva Jlin hrot 13 trung diém ciia 48 va €D, Cho digm & thoa min
GA+GB+GC+GD = 0. Chimg minh ba didgm I, G, J thing hang.
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BAI TAP

1. Cho hinh binh hanh ABCD ¢6 © la grao diém hai duimg chée. Vi M 1a diem tuy v, chimg
nunh ring:

a) Md+MB + MC + MD = AMO; b) AB+AC+AD = 24C.
2. Cho tir gide ABCD. Goi M va Nlan luot 1a trang dicm cac canliA8 va CD. Chimg minh ting
a) AC+BD=2MN, b) AC+BD=BC+AD

.....

4. Cho ti giac ABCD. Goi E, F, G lan luot 1a trung digm cia cac doan thing 4B, CD, EF
Ly diém Af tuy v, chimg minh ding MA + MB +MC + MD = AMG |

. Miy bay 4 dang bay vé hirimg dong b vén toe do /
B

LR

600 km/h. Cong lne do, may bay B dang bay ve nrong

Bic A _
By nam vad toe 46 800 km/h. Biéu difn vecto vin toe b L
ciia may bay B theo vecto van toe & efia may bay A Tay - bing
6. Cho hai digm phin biét 4 va B Nam :
i) Xac dinh didm O sao cho G4+ 308=10
Hirifr 7

b) Clumg nunh rEng von maot digm M, ta oo M4+ 3B = AMO.
7. Cho tam gac ABC
£ e | et B
a) Xac dinh cac dism M. NP thod miie ME = ;—EL. AN =3NB, LP=PA

b) Biéu thi mdi vecto MN, MP theo hai vecto BC. BA
¢) Chumg munh ba diem Af, N, P thiing hang

PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1: Dung va tinh d9 dai vecto chira tich mét vecto véi mot sb.

1. Phwong phap giai.

Str dung dinh nghia tich ciia mot vecto voi mot sd va cac quy tic vé phép toan vecto dé dung vecto chira
tich mot vecto voi mot so, két hop vdi cac dinh li pitago va h¢ thirc lugng trong tam giac vudng dé tinh do
dai cua chung.

2. Cac vi du.
Vi du 1: Cho tam gidc déu ABC canh a . diém M 14 trung diém BC . Dung céc vecto sau va tinh do dai
cta ching.

2) %c—mm b) ﬂ—%B—c
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c) — AB+2AC d) %M—z,sm

Loi giai (Hinh 1.14)

a) Do %a}:C—]\Z suy ra theo quy tic ba diém ta co 4
L
-CB+ MA = CM + Mi = Ci
] — —
Av |— = — C
Vay 2CB+MA‘—CA—¢1 W ' Iy

l— — ,
b) Vi EBCzBM nén theo quy tiac tru ta co
0

ﬁ—%%:ﬂ—wzm

Theo dinh i Pitago ta co Hinh 1.14

MA=~AB*> —BM* = /a -

Vay [BA-LBC|= M4 _a¥3
2 2

¢) Goi N 1a trung diém AB, Q la diém dbi xing cia 4 qua C va P la dinh cta hinh binh hanh
AQPN .

Khi do ta co6 %@zf\/, ZR’:A—Q suy ra theo quy tic hinh binh hanh ta c¢o
%AB+2ZE‘ AN + AQ = AP

Goi L 1a hinh chiéu cua 4 1én PN

Vi MN //AC = ANL = MNB = CAB = 60°

Xét tam giac vudong ANL ta cd sin ANL = j—; = AL = AN.sin ANL = Esin 60° =

o3

4

cos ANL :£:> NL = AN.cos ANL = £ cos60° = £
AN 2

Ta lai c6 AQ:PN:PL:PN+NL=AQ+NL=2a+%=%“

Ap dung dinh li Pitago trong tam gidc ALP ta c6
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2 2 2
AP = Al 4 pp2 =24 8la” _2la” V2l
16 16 2
Vay %@+2R“=AP:CZ 221

d) Goi K 1a diém nam trén doan AM sao cho MK = %MA , H thudc tia MB sao cho MH =2,5MB.

Khi do %mzm, 2.5MB = MH

—_—— ——

Do d6 %W—LSMB:MK—MH:HK

Ta co MK=%AM=%.§= 3?“, MH:2,5MB:2,5.%:5—a

Ap dung dinh li Pitago cho tam tam giac vuong KMH ta c6

254° N 27a° _av127
16 64 8

KH =\MH?* + MK* =

Vay av127

%m—z,sﬁé‘ﬂm:

Vi du 2: Cho hinh vuéng ABCD canh a .

a) Chung minh réng w = AMA — 3MB + MC —2MD khong phu thudc vao vi tri diém M.
b) Tinh do dai vecto u

Loi gidi (Hinh 1.15)
a) Goi O la tam hinh vudng.

Theo quy tic ba diém ta co

—

u=4(MO+0A4)-3(MO+OB)+(MO+0C)-2(MO+0D)

— 40A —30B +0C — 20D

Ma OD = —OB, OC = —OA nén u = 304 — OB

C

- A A \ s oaeR Hinh 1.1
Suy ra u khong phu thudc vao vi tri diem M inh 1.15

b) Liy diém A' trén tia OA sao cho OA'=304 khi d6

OA'=30A4 dodd uw=O0A'—OB = BA'

Mit khiac BA'=~OB* + 0A? =JOB? + 9042 = a5

Gido vién c6 nhu cau sé hitu tron b file word Bai giing Todn 9,10,11, 12 c6 1oi gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwgc hé tre toi da . “Trdnh mua cdc trang va cic cd nhin khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 319



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

Suy ra ‘E‘ =aJ5

Dang 2: Chitng minh ding thirc vecto.

1. Phwong phap giai
Str dung cdc kién thirc sau dé bién doi vé ndy thanh vé kia hodc cd hai biéu thirc ¢ hai vé cing bang biéu
thire thit ba hodc bién doi twong dwong vé dang thire diing:

e Céc tinh chat phép toan vecto
e Cac quy tic: quy tic ba diém, quy tic hinh binh hanh va quy tic phép trir
e Tinh chét trung diém:

M la trung diém doan thing AB < m + ﬁ = 6

M Ia trung diém doan thing AB & OA + OB = 20M (Véi O 1a diém tuy ¥)

e Tinh chét trong tAm:
G la trong tam cua tam giac ABC< GA+GB+GC =0
G 14 trong tAm cita tam gidc ABC<> OA+OB+0C =3 0G (Vi O 1a diém tuy )

2. Cac vi du.
Vi du 1: Cho t&r gisc ABCD. Goi 1, J lan luot 13 trung diém cua AB va CD, O 1a trung diém cua 1J
.Chirg minh rang:

a)R+ﬁ:2ﬁ

b) OA + OB + OC + 0D = 0

¢) MA + MB + MC + MD = 4MO véi M 1a diém bét ki
Léi gidi (Hinh 1.16)

a) Theo quy tic ba diém ta c6

AC—AT+1J = AT +17 +7C 4 LA

Tu’ongtuﬁ=§f—l—ﬁ+ﬁ 0

Ma I J lan luwot 1a trung diém cia AB va CD nén

ATl +BI=0,JC+JD =0 D 7 .
Hinh 1.16

Vay A_5+§5:(A_1"+§)+( ﬁ+ﬁ)+2ﬁ:2ﬁ dpcm
b) Theo hé thirc trung diém ta ¢c6 OA + OB =201, OC + OD = 20.J

Mit khac O 1a trung diém IJ nén Ol +0J =0
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Suyraa+@+w+@:2(a+a):6dpcm

¢) Theo ciu b ta c6 OA + OB + OC + OD = 0 do d6 v6i moi diém M thi
OA+ OB +0C +0D =0
<:>(0M+MA)+(0M+MA)+(0M+MA)+(0M+MA):6

& MA+ MB+ MC + MD = 4MO dpem
Vi du 2: Cho hai tam giac ABC va A B,C, c6 cung trong tim G. Goi G, G,, G, 1an luot 13 trong tim
tam giac BCA,, ABC,, ACB,. Chimg minh ring GG, + GG, + GG, = 0

Loi giai
Vi G| 1a trong tam tam giac BCA, nén 3G—G£ —GB+GC + G—Af
Tuong ty G,, G, 1an luot 14 trong tim tam giac ABC,, ACB, suy ra
3GG, = GA+GB+GC, va 3GG, = GA+ GC + GB,

Cong theo vé voi veé cac dang thic trén ta co

GG, +GG, + GG, =2(GA+GB+GC )+ (GA + GB, + GC

Mat khac hai tam giac ABC' va A B,C, c6 cung trong tdm G nén

GA+GB+GC =0 va GA +GB, + GC,

Suyra GG, + GG, + GG, =0

Vi du 3: Cho tam gidc ABC c¢6 truc tim H, trong tdim G va tim dudng tron ngoai tiép O. Ching minh
rang

a)HA + HB + HC = 2HO
b) OA + OB + OC = OH

—_—

¢) GH +2G0 = 0

T/ ><F

Lo1 giai (Hinh 1.17)

B C
a) D& thdy HA + HB + HC = 2HO néu tam giac ABC vudng \ /

Néu tam giac ABC khong vudng goi D 1a diém dbi ximg ciua A D
qua O khi do Hinh 1.17

BH //DC (vi cung vuong goc vii AC)
BD //CH (vi cung vudng goc voi AB)
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Suy ra BDCH 1 hinh binh hanh, do d6 theo quy téc hinh binh hanh thi HB + HC = HD (1)
Mit khac vi O 1a trung diém ctia AD nén HA + HD = 2HO (2)

Tir (1) va (2) suy ra HA + HB + HC = 2HO

b) Theo cau a) ta c6

HA + HB + HC = 2HO
@(E5+571)+(E5+5§)+(E5+55):2E5
(:)0_1'4+O_B'+O_C':O—H'dpcm

¢) Vi G la trong tam tam giac ABC nén OT4+ O_B' —}—%" = 3@
Mait khac theo cau b) ta cé 0_1'4‘}'0_.3"*'%: = E

Suy ra OFF = 30G & (0G + Gl |~ 30G = 0 ¢ G +2G0 = 0

Dang 3: Phan tich mgt vecto theo hai vecto khong cung phuwong.

1. Phwong phap giai.

Str dung cac tinh chit phép toan vecto, ba quy tic phép toan vecto va tinh chit trung diém, trong tim
trong tam giac.

2. Cac vi du.

Vidu 1: Cho tam giac ABC' . bat g = E, Z: /I—C"

1——» —_—

a) Hay dung cac diém M, N thoa man: AM — SAB. CN = 9BC

b) Hay phan tich CM, AN, MN qua céc véc to a va b.

¢) Goi I 1a diém thoa: ﬁ = CTI . Chting minh I, A, N thing hang
Loi giai (hinh 1.23)

A

C
Hinh 1.23

w(
24
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a) Vi W = %E suy ra M thudc canh ABva AM = %AB; E]V = 255’, suy ra N thuoc tia BC va

CN = 2BC'.

1-= 1= =

b) Ta co: W:a+ﬁ:—ﬁ+§AB:§a—b

A—N:E+EV:E+3B_O':E+3(A_O'—E):—2Z+33

MN:MA+AN:—%g—2g+35:—§g+3g.

c)Tacc'):ﬁzﬁ—i—E:%E—FC—M:%g—i—%g—g:—%(—2;4—35)

E—

= Al = —%E = A, L, N thang hang.

Vi du 2: Cho tam giac ABC , trén canh BC lay M sao cho BM = 3CM , trén doan AM lay N sao cho
2AN = 5MN . G la trong tam tam giac ABC'.

a) Phan tich cac vecto A M, Eﬁ qua cac vec to Zl—é va Zg’

b) Phan tich cac vecto 55, MN qua cac véc to EJE va EE’

Loi gidi (hinh 1.24)

e

a) Theo gia thiét ta c6: BM = %?ﬁ va AN = ?AM

A
suyrawzﬁﬁ—ﬂzﬁ—l—zga
:Zﬁ+§(A_5—Z§)=lZ§+§A_5 O .N
4 4 4 B M C
Hinh 1.24

5——»

Eﬁ:ﬂ+A—ﬁ:—A_§+?AM

—ap+2tap3ac|= —Bap+Lac
704 4 28 28

b)ViGlétrongtﬁmtamgiéCABCnénZJE+5§+C_¥5:6suyran*_C.’:—a—@
SN = 2= -2l 1aB i 3ac
Taco MN = 7AM— 7[4AB+4AC]

~ (6B~ GA)- (60 - GA)
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- (o) - (G- -G

1 1-=

—=_GA+=GB
P

Vi du 3: Cho hinh binh hanh ABCD. Goi M, N lan luot 13 hai diém nim trén hai canh AB va CD sao

cho AB=3AM,CD =2CN va G la trong tdm tam giac MNB. Phan tich cac vecto AN, MN, AG

qua cac vécto AB va AC

Léi gidi (hinh 1.25)

M B
Tacé:A—ﬁ:A_5+5ﬁ:A_5—%Z§ .G
MN = MA+ AN = L4+ 40— L4B
- —3 9 D N C
:_%EJFR Hinh 1.25

Vi G la trong tam tam giac MNB nén

3AG:AM+AN+E:%E+[R—%E]+1@:%E+1TC

N
S AG=—AB+=-A
uyra AG 13 —|—3 C

Dang 4: Tim tip hop diém théa man diéu kién vecto cho trudérc.

1. Phwong phap giai.

Dé tim tap hop diém M théa min man diéu kién vecto ta quy vé mot trong cac dang sau

- Néu ‘MA‘ = ‘MB ‘ v6i A, B phan biét cho trude thi M thude duong trung truc ciia doan AB.

voi A, B, C phan bi¢t cho trude thi M thude dudng tron tdm C, ban kinh béng

- Néu ‘FC‘ = k‘fé
k.‘ﬁ‘.

-Néu MA = kBC véi A, B, C phan biét va k 1a sb thyc thay ddi thi

+ M thudc dudng thing qua A song song véi BC v6i k € R
+ M thudc nira dudng thang qua A song song voi BC va cing huéng BC véi k > 0

+ M thudc ntra dudng thang qua A song song voi BC va nguoc huéng BC véi k < 0

-Néu MA = kBC, B = C v6i A, B, C thing hang va k thay di thi tap hop diém M 12 dudng thing BC
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2. Cac vi du.

Vidu 1: Cho tam giac ABC

a) Chitng minh rang ton tai duy nhat diém I thoa mén : 2ﬁ + 3]13 + 4%’ = 6 .

b) Tim qu§ tich diém M théa mén : 2MA+3MB+4MO‘ _ ‘MB—MA‘.
Loi gidi

a) Ta c6: 2IA + 3IB + 41C = 0 < 2IA + 3(IA + AB) + 4(IA + AC) = 0

—  3AB 1 4AC

o 9IA = —3AB — 4AC < IA = — — 1 t3n tai va duy nhit.

b) Vi I 1a diém dugc xac dinh ¢ cau a, ta co:

OMA + 3MB + AMC = 9MI + (2IA + 3IB + 41C) = OMI va MB — MA = AB nén

| 2MA + 3MB + AMC |=| MB — MA || 9MI |=| AB |& MI = ’%B

Vay quy tich cia M 1a duong tron tdm I ban kinh A?B .

Vi du 2: Cho tam giac ABC . Tim tip hop cac diém M thoa mén diéu kién sau :

2) ‘MA+MB‘ _ ‘MAJrMC"

b) MA+ MB = k:(MA +2MB — 3Mc) véi k 1a sb thuc thay ddi

Loi giai (hinh 1.28)

a) Goi E, F lan luot 12 trung diém cua AB, AC suy ra

H
MA + MB = 2ME va MA + MC = 2MF
Khi do ‘MA+MB‘:‘MA+MC‘ c
- - F
@‘QME‘:‘QMF‘@MEzMF 4° ;: B
Hinh 1.28

Vay tap hop cac diém M 1a dudng trung truc caa EF

b) Tac6 MA +2MB —3MC = MA+2( MA+ AB |- 3( MA+ AC)
= 2AB-3AC =2AB —2AH =2HB

V6i H 1a diém thoa man AH = gﬁ
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Suy ra MA + MB = k( MA + 2MB — 3MC |

& 2ME = 2kHB < ME = kHB
Vay tap hop diém M la dudng thing di qua E va song song voi HB
Vi du 3: Cho tir gisc ABCD. Vi s6 k tuy ¥, lay cac diém M va N sao cho AM = kﬁ, DN =kDC.
Tim tap hop cac trung diém I ctia doan thang MN khi k thay ddi.
Loi gidi (hinh 1.29)

Goi O, O' 1an luot 13 trung diém ctia AD va BC, ta co

AB=A04+00'+0'Bva DC=D0+00'+0'C

Suy ra AB +DC =200

Tuong tu vi O, I lan luot 1a trung diém cta AD va MN nén

ZJ\_J + 5]\7 = 257 Hinh 1.29
Do d6 OI = %(JJEH;EB) = k00"
Vay khi k thay d6i, tap hop diém I 1a duong thing OO'
CAU HOI TRAC NGHIEM

Cau 1:  Cho tam gidc OAB vudng can tai O, canh OA =a. Tinh ‘2574—513‘

A. a. B. (1+42)a. C. a5. D. 2a+/2.
Loi giai
Chon C.
Goi C 1a diém d6i xung cia O qua A= OC =2a.Tam giac OBC vudng tai O, cb
BC =N OB* +0C?* = av/5.

Ta c¢6 204- 0B =0C - OB = BC, suy ra ‘2574—51?‘2‘?5‘:a\/§.

Ciu2: Cho tam giac OAB vudng can tai O, canh OA = a. Khang dinh nao sau déy sai?

A. ‘3@+4@‘=5a. B. ‘2@‘+‘3@‘=5a.

C. \752—251?\:561. D. \1152\—\651?\:5@
Loi gii

Chon C.

Dua vao cac dap an, ta c6 nhan xét sau:
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e A diing, goi C nam trén tia ddi cia tia A0 sao cho OC =304 =304=0C. Va D
nim trén tia dbi cta tia BO sao cho OD=40B = 40B =O0D. Dung hinh chir nhat
OCED suy ra OC+0D =OE (quy tic hinh binh hanh).

Ta ¢6 ‘3@+4@‘:‘O—C+@‘:‘FE‘=OE=CD: OC* + 0D =5a.
o B diing, vi ‘2@‘+‘3@‘ =2‘@‘+3‘@‘ ~2a+3a=5a.
e C sai, xu 1y tuong ty nhu y dap 4n A. Chon C.
o D diing, vi ‘11@‘—‘6@‘ :11@‘—6‘@‘ ~1la—6a =5a.

Cau3: Cho tam gidc ABC c6 M 1a trung diém cua BC, I 1a trung diém cia AM. Khang dinh nao
sau day dang?

A. IB+2IC+14=0. B. IB+1C+2I4=0.

C.2IB+IC+14=0. D. IB+IC+14=0.
Loi giai

Chon B.

Vi M 1a trung diém BC nén IB+IC =2IM. Mit khac I 1a trung diém AM nén
IA+IM =0. Suy ra E+E+2H:2W+2H:2(W+H)=6.

Cau4: Cho tam gidc ABC c6 M 1a trung diém cua BC, I 1a trung diém cia AM. Khang dinh nao
sau day dang?

A. 4l =1(4B+1C). B. Al =+ (4B~ AC).
4 4
— 11— 1— — 11— 11—
C. Al =—AB+—AC. D. Al =—AB—-—AC.
4 2 4 2
Loi giai
Chon A.

Vi M 1a trung diém BC nén AB+ AC=2AM. (1) Mat khac / la trung diém AM nén
241 =A4M. (2)

Tur (1), (2) suy ra Z§+26:427@27=%(Z§+26).

Ciu 5:  Cho tam giac ABC c¢b6 M 1a trung diém cta BC, G la trong tAm cta tam gidc ABC. Khing

dinh nao sau day dung?

A. AG:E(ﬂﬂE). B. AG:l(EJrR*).
3 3
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C. 4G=4B+24C D. Ai =2 4B +34C.
3 2 3
Loi giai
Chon B.
A
B M C

Vi G la trong tam cua tam gidc ABC nénA—ngm. Vi M 1a trung diém cia BCnén

AB+AC =24M & AM =~(4B + AC). Do d6 AG ==~ (4B +AC)=~(4B+ AC).
2 3 3

N |~

CAu 6: Cho ttr gidc ABCD. Trén canh AB, CD 14y lan luot cac didm M, N sao cho 34AM =2 AB va
3DN =2 DC. Tinh vecto MN theo hai vecto ZIS, BC.

A MN=172D+1BC B. MN=17D-2BC.
3 3 3 3
e l—= 2—— — 2 1=
C. MN =—AD+—BC. D. MN =—AD+—BC.
3 3 3 3
Loi giai

Chon C.

Tacd MN = MA+ AD + DN va MN = MB + BC +CN.
Suyra3mzm+25+ﬁv+2(ﬂl§+§5+5ﬁ)
:(m+2m)+ﬂ)+2ﬁ‘+(D—N+2@).

Theo bai ra, ta c6 MA+2MB=0 va DN +2CN =0.
R P g

Vay 3MN=AD+ZBC<:>MN=§AD+§BC.

Cau7: Cho hinh thang ABCD c6 day 1a AB va CD. Goi M va N lan luot 1a trung diém ctiia AD va
BC. Khang dinh nao sau day sai?

A. MN =MD +CN + DC. B.MN = AB— MD + BN.
I — 1 —
C. MN:—(AB+DC). D. MN=—(AD+BC).
2 2
Loi gidi
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Chon D.

. Y \ .2 , WH\TD :6 \ , ,
Vi M, N lan luot 1a trung diém cua AD, BC =< __ . Dya vao dap an, ta co
BN+CN =0
nhan xét sau:

e A dung, vi A—/IB+5ZV+55:W:(]\—/IB+55)+5N:W+5N:W.
« B dting, vi A5~ MD-+ BN = (4B + BN )~ MD = AN — AM = MV,

e C diing, vi MN = MA+ AB+BN va MN =MD+ DC +CN.

Suy ra
2M—N:(W+ATD)+@+R‘+(W+5\/):6+@+R‘+6:@+R‘

——>MN = (4D + BC).
¢ D sai, vi theo phan tich ¢ dép an C. Chgn D.
Ciu 8:  Cho hinh binh hanh ABCD ¢6 M 1a trung diém ctia 4B. Khing dinh nao sau ddy dung?

A W:%@HTC. B. W:%@—R.

C. D_A/Tzéﬁé—ﬁa D. W:%B&EE‘.
Loi giai

Chon C.

Xét cac dap an ta thay bai toan yéu can phan tich vecto DM theo hai vecto DC va BC.
Vi ABCD 1a hinh binh hanh nén DB=DA+DC.Vi M la trung diém AB nén
2DM = DA+DB <> 2DM =2DA+DC < 2DM =-2BC+DC
] —
suy ra DM = EDC—BC.

Cau9: Cho tam gidc ABC, diém M thudc canh AB sao cho 34AM = AB va N la trung diém cua
AC. Tinh MN theo AB va AC.

A MN= 7+ 7B . unN=ac-17B
2 3 2 3

e 1 — 1= 11—

C. MN=—AB+—AC. D. MN =— AC —— AB.
2 3 2 3

Loi giai

Chon B.
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Vi N la trung diém AC nén

Suy ra MN = —%ZZ}+%Z@.

Céiu 10: Cho tam giadc ABC. Hai diém M, N chia canh BC theo ba phan bang nhau BM = MN = NC.
Tinh AM theo AB va AC.

A AM =2AB+Lac B. AM =L 4B+ 2 7C.
3 3 3 3

c.aM=2a8-1ac D. AM =L AB-2ac.
3 3 3 3

Loi giai

Chon A.
[ U (A QU P
Ta co AM=AB+BM:AB+§BC:AB+§(AC—AB):EAB+§AC.

Céiu 11: Cho tam giac ABC ¢4 M 1a trung diém ctia BC. Tinh AB theo AM va BC.

A. zg:m%m B. ﬁ:ﬁa%m

C. E:W—%Eﬁ. D. E:B—C—%W.
Loi giai

Chon C.

Ta ¢ ZE:A_AZ+H§=A_A7I—%§5.

Cau 12: Cho tam giac ABC, goi M la trung diém AB va N 1a mot diém trén canh AC sao cho
NC =2NA4.Goi K la trung diém cua MN . Khi d6

A AR =L 7B+ L aC B. Ak = L 1B L17¢.
6 4 4 6
— 1= 11— — 1= 11—
C. AK=—AB+—AC. D. AK=—AB—— AC.
4 6 6 4
Loi giai

Chon B.

Ta 6 R:l(m+ﬁv):l(_zg+125 s lae
2 2\ 2 4 6
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Cau 13:

Cau 14:

Cau 15:
dang?

Cau 16:

WEB: TOANTHAYCU.COM
Cho hinh binh hanh ABCD. Tinh AB theo AC va BD.

A AB=17C+ 13D, 8. AB=L70-L3p.
2 2 2 2
C. ZE:W—%?& D. ZE:%ZE—EB.
Loi giai
Chon A.

AB=AC+CB

Vi ABCD 13 hinh binh hanh nén CB + AD =0.Ta co T
AB = AD+ DB

—>24B = AC + DB +(CB+ AD) = AC + DB ——> 4B~ AC+- BD,
Cho tam giac ABC vadat a = BC, b =AC. Cép vecto nao sau day cung phuong?

—

—2b. C.5G+b,-10G—-2b. D. G+b,d—b.

INY

A. 2d+b, a+2b. B. 2d-b,
Loi giai
Chon C.

D@ thay —1021—25:—2(521+l;) — > hai vecto 5d+b, —10d—2b cung phuong.

Cho tam gidc ABC c6 G la trong tAm va  1a trung diém cua BC. Pang thirc ndo sau day

1 —

A. GA=2GlI. B. Téz—ng.

C. GB+GC =2Gl. D. GB+GC = GA.
Loi giai

Chon C.

Vi I 1a trung diém cua BC suyra IB+IC =0.

T =S GB+GC=IB+IC+2GI=2GlI.
%f_/

|GB=GI+IB —
Ta co
GC=Gl+1IC g

Cho tam giac ABC ¢6 G la trong tim va M 1a trung diém BC. Khing dinh nao sau ddy sai?

A Gi=—270. B. AB+ AC =34G.
C. GA=BG+CG. D. GB+GC =GM.
Loi giai

Gido vién c6 nhu cau sé hitu tron b file word Bai giing Todn 9,10,11, 12 c6 1oi gidi chi tiét vui long lién hé zalo Tran

Dinh Cu:

0834 332 133 dé dwoc hé tro toi da . “Tranh mua cdc trang va cdc cd nhin khdac”
Phu huynh va hoc sinh c6 nhu cau tham gia cdc lop todn chat lwgng Thay Cw-Xa tiac- TP Hué vui long
Inbox face: Tran Dinh Cw hodc lién hé truc tiép qua SDT:0834 332 133
Page 331



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.

Cau 17:

Cau 18:
day sai?

Cau 19:

Cau 20:

WEB: TOANTHAYCU.COM
Chon D.

GB=GM +MB

Vi M 1a trung diém ciia BC suy ra MB+MC =0.Ta co .
GC=GM +MC

= GB+GC=MB+MC+2GM =2GM.
_ﬁf_—J

0

Cho tam gidc ABC vudng tai A, M 1a trung diém cua BC. Khang dinh ndo sau day dang?
— — — — BC
A. AM =MB = MC. B. MB = MC. C. MB=-MC. D. AM:T.

Loi giai
Chon C.

Vi M 1a trung diém ctia BC nén MB+MC =0< MB=-MC.

Cho tam gidc ABC. Goi M va N lan luot 14 trung diém cua AB va AC. Khing dinh nao sau
A. AB=24AM. B. AC =2NC. C. BC=-2MN. D. HV:—%TC.

Loi giai
Chon C.
Vi M, N lan luot 13 trung diém cua AB, AC. Suy ra MN la dudng trung binh ctia tam giac

ABC —— MN =%BC. Ma E(—f, MN 14 hai vecto cung hudng nén BC =2 MN.

Cho tam gidc ABC c6 G 1a trong tim. Ménh dé nao sau day dung?
A. AB+4C=24G. B. BA+BC =3BG.
C. CA+CB=CG. D. AB+ AC +BC =0.

Loi gidi
Chon B.
Goi E la trung diém ctia AC => BA+ BC =2 BE. (I)Ma G la trong tim cia tam gidc 4BC

— BE=>5G. (2)

Tir (1), (2) suy ra ng—czzgfgzgw

Cho tam giac déu ABC va diém / thoa man I4 = 21B. Ménh d nao sau day dung?
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Cau 21:

Cau 22:

Cau 23:

WEB: TOANTHAYCU.COM

A i A-2CB p. cj = CA+2CB
3 3
C.Ci=—_Ci+2CB. D.a’=CA+—§CB.
Loi giai
Chon C.

Tir gia thiét IA=2IB=B la trung diém cua /4 = BI = ZE; Al =24B.

. _:257:CB+CA+BI+AI:@+EZ§+Z§+2Z§.

. |cr=cB+BI S
Laicé -
Cl =CA+ Al

—CA+CB+34B @267:@+6§+3(61§—671)=—262+4EE@67=—@+2EE.

Cho tam gidc ABC va mot diém M tiy y. Ménh dé nao sau ddy ding?

A. 2MA+MB-3MC = AC +2BC. B. 2MA+ MB -3MC =2AC + BC.

C. 2MA+MB-3MC =2CA + CB. D. 2MA + MB —3MC =2CB — CA.
Loi giai

Chon C.

Ta c6 2MA+MB—3MC = 2MC +2CA+ MC + CB—3MC = 2CA +CB.
Cho hinh vuéng ABCD c6 tam 1a O. Ménh dé nao sau day sai?

A. AB+ AD =2A40. B. AD+D0=—§CA.

C. 5,71+579=%6§. D. AC+ DB =2 4B.
Loi giai

Chon C.

Tacd OA+OB=—-0C+0B=0B—0C=CB (vi OA+0C =0).

Cho hinh binh hanh 4BCD. Ping thirc nao sau dy ding?

A. AC+BD =2BC. B. AC+BC = 4B.

C. AC-BD=2CD. D. AC - AD =CD.
Loi gidi

Chon A.
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|4aC=4B+BC — — . . .

Tacos_ . = _ = AC+BD=2BC+AB+CD =2BC.
BD=BC+CD -

Céu 24: Cho hinh binh hanh ABCD ¢6 M 1a giao diém cua hai dudng chéo. Ménh dé nao sau day sai?

A. AB+BC = AC. B. AB+ AD = AC.

C. BA+BC=2BM. D. MA+MB = MC + MD.
Loi gidi

Chon D.

Ta c6 MA+MB = MC + MD < MA—MD = MC — MB < DA = BC. Suy ra diéu trén khong thé
x4y ra vi DA=-BC.

Céu 25: Cho tam giac ABC va diém M thoa min 2MA+ MB = CA. Khang dinh nao sau day 1a dung?

A. M trung A. B. M trung B.

C. M trung C. D. M 1a trong tdm cta tam gidc ABC.
Loi gidi

Chon D.

Tacod 2MA+MB = CA < 2MA+MB =CM + MA.
< MA+MB=-MC < MA+MB+MC=0. (*)
Diéng thire (*) suy ra M 1a trong tim cta tam gidc ABC.

CAu 26: Goi G la trong tim tam gidc ABC . Dit GA=a, GB=5b. Hiy tim m, n dé c6 BC = ma+ nb.

A.m=1n=2. B. m=-1,n=-2.

C.m=2,n=1. D.m=-2,n=-1.
Loi gidi

Chon B.

Ta co R’:E+§:E—(@+@):—@—2FB (do@+@+G—C=6).
Cau27: Cho ba diém A4, B, C khong thiang hang va diém M théoa mian ding thirc vecto
MA = xMB + yMC. Tinh gié tri biéu thitc P =x+ y.
A. P=0. B. P=2. C. P=-2. D. P=3.
Loi giai
Chon B.

Do AB va AC khong cung phuong nén ton tai cac sb thuc x, y sao cho
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A_]\Z:xZE+yZE, VM @sz(WHWa)er(WH\TC)
<:>(l—x—y)A—AZ=xm+yW©(x+y—l)m=xm+yW.

Theo bai ra, ta c6 m:xﬁ_lé+yﬁ_46 suyra x+y—-l=1ox+y=2.
Céu 28: Cho hinh chir nhat 4ABCD va sb thuc & >0. Tap hop cac diém M thoa mén ding thic
mﬂ\ﬁH\TCH\Zﬂ =k la
A. mot doan théng. B. mét duong théng. C. mot dudng tron. D. mot diém.
Loi gidi
Chon C.

, 2MI = MA+MC
Goi / la tdm cua hinh chtr nhat ABCD, tac6 < _ . = VM
2MI = MB + MD

Do dé A—/[Z+A_/I§+A—4?Z+A_/IB‘:kc>‘2A_ﬁ+2A_ﬁ‘:kc>4‘}7/17‘:k<:>‘1\_ﬁ‘:§. (%)
Vi I 1a diém cb dinh nén tap hop cac diém M thoa man dang thie (*) 1a dudng tron tim 1,
ban kinh R = %

Céiu 29: Cho hinh chit nhat ABCD va I la giao diém cua hai dudng chéo. Tap hop cac diém M thoa
man [MA + MB| =|MC +MD| 1a

A. trung tryc cta doan thang A4B.

B. trung truc cua doan thing AD.
C. duong tron tam /, ban kinh A—ZC

D. duong tron tdm /, ban kinh M

Loi giai
Chon B.
MA+MB =2ME
MC +MD =2MF

Goi E, F lan luot 1a trung diém cua AB, CD. Khi d6 {

Do dé ‘WH\TBHATCHW)‘ o 2‘1@ =2‘W‘@‘W‘=‘W‘. (+)

Vi E, F 14 hai diém cb dinh nén tir ddng thirc (*) suy ra tap hop cac diém M 1a trung truc cia
doan thang EF hay chinh 1a trung tryc ctia doan thang AD.

Céiu 30: Cho hai diém 4, B phan biét va c¢b dinh, v6i I 1a trung diém cua AB. Tap hop cac diém M
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thoa man dang thirc ‘m +m‘ = ‘m —m‘ la

AB
A. duong tron tdm /, duong kinh - B. duong tron duong kinh A4B.
C. dudng trung truc cua doan thang AB. D. duong trung truc doan thang /4.
Loi gidi
Chon A.

Vi I 14 trung diém cua AB suyra MA+MB=2MI.
e e ] e AB
Do d6|MA + MB| = [MA - MB| < |2 MI| = |BA4| < M1 == (%)
Vay tap hop céc diém M théa man ding thire (*) la duong tron tim 7, ban kinh

Cau 31: Cho hai diém 4, B phan biét va c6 dinh, voi I 1a trung diém ciia 4B. Tap hop cac diém M
thoa man dang thirc ‘2]\@ +m‘ = ‘m + 2]\73‘ la

A. dudng trung tryc cua doan thiang A4B. B. duong tron duong kinh 4B.

C. duong trung truc doan thang /4. D. duong tron tam A, ban kinh AB.
Loi gidi

Chon A.

Chon diém E thudc doan AB sao cho EB=2FA = 2EA+EB=0.
Chon diém F thudc doan AB sao cho FA=2FB = 2FB+FA=0.

Taco ‘2]\@“\@ :‘m+2m‘@‘2Aﬁ+2ﬂ+m+ﬁ‘z‘2ﬁ+2ﬁ+ﬁ+ﬁ‘

 [3ME + 2 EA+ EB| = 3MF +2 FA+ FB| < [3ME| = 3MF| <> ME = MF. ()
[N — [ —

0 0
Vi E, F 14 hai diém ¢4 dinh nén tir ddng thire (*) suy ra tap hop cac diém M 1a trung truc
ctia doan thang EF. Goi I 14 trung diém ctua AB suyra I ciing 1a trung diém cua EF.

Vay tap hop cac diém M théa man ‘2]\@ +m‘ = ‘m +2m‘ la duong trung truc ctia doan
thing AB.

Cau 32: Cho tam giac déu ABC canh a, trong tim G. Tap hop cac diém M théa min

‘MZHHE‘:‘MZHA—/@‘ la

A. duong trung tryc cua doan BC . B. duong tron duong kinh BC .
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Cau 33:

WEB: TOANTHAYCU.COM

C. duong tron tdam G , ban kinh %. D. duong trung tryc doan thing AG .
Loi giai
Chon A.
, ‘ y . |MA+MB=2MI
Goi 1, J lan luot 1a trung diém cua 4B, AC. Khid6 . = .
MA+MC =2MJ

Theo bai ra, ta cb \m + MB| = ‘WH\TC‘ N ‘2@‘ :‘21\7]‘ o MI = MJ.

Vay tap hop cac diém M thoa min ‘m+ﬂ7§‘ :‘]\—/IZ+M6‘ la duong trung truc cua doan
thang IJ, ciing chinh 1a dudng trung truc cta doan thing BC vi IJ 1a duong trung binh cta
tam gidc ABC.

Cho tam gidc déu ABC canh a. Biét rang tip hop cic diém M théa min ding thic

2MA+3MB + 4]\—/[6‘ = ‘]\—/Ié —]\—/IZ‘ 1a dudng tron ¢b dinh c6 ban kinh R. Tinh ban kinh R theo a.

Cau 34:

A. R= B. R= C.R= D. R=

a a a a

3 9 2 6
Loi giai

Chon B.

Goi G la trong tdm cua tam gidc ABC. Tacod

2W+3m+4m:2(W+E)+3(W+E)+4(E+E).

Chon diém I sao cho 2I4+3IB+4IC =0 @3(ﬁ+f§+ﬁ)+ﬁ—ﬁ=6.

Vi G la trong tam cua tam gidc ABC nén IA+IB+IC =31G.
Khid6 9IG+IC~14=09IG+ Al +1C=0< 91G = CA. (*)
Do d6 2m+3]\_/[l§+4ﬂ6‘=‘H§—m‘©‘9ﬂf+2ﬁ+37§+475‘=‘21§‘c>9MI=AB.

Vi / 1a diém c6 dinh théa man (*) nén tap hop cac diém M can tim 1a dudng tron tim /, ban

kinh R=25_4.
9
Cho tam gidc ABC . C6 bao nhiéu diém M théa méan MA+MB+MC|=39
Al B. 2. C.3. D. Vo so.
Loi giai
Chon D.
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Goi G 1a trong tdm ctia tam giac ABC nén G ¢ dinh duy nhit va GA+GB+GC =0.
Ta oo [Md-+MB +MC|=3 < [GA+GB+GC -3GM|=3 <3(GM|=3 < GM =1.

Vay tap hop cac diém M 13 duong tron tim G ban kinh bang 1.

Gido vién c6 nhu cau sé hitu tron b file word Bai giing Todn 9,10,11, 12 c6 1oi gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwgc hé tre toi da . “Trdnh mua cdc trang va cic cd nhin khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 338



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

Bai 4. Tich vo hudng cua hai vecto

T khod: Gée glita hai vectd; Tich va hubng cla hai vecta.

@ Tac dung mitlyc F vio mat vit valam chovit 86 dich chuyén theo vecto d thi sésinh
ra mijt céng 12 A dige tinh theo cong thitc A=[FLIdl.cosa, trong 86 61a géc gida hai

vecta F vad,
a-lflldess |
o
o P2
1. Gée giira hai vecto ?
'@l Cho hirth vadng ABCD ¢6 tam 7 (Hinh 1)
4) Tinh IDC.
b) Tim hai veeto elmg ¢o didm diu 1a D va didgm endi lin
lrgt 1a Tva C.
- i ' i 4 A 1 » A & cl
€) Tim ha vecto ¢img co diem dau la D va lan lugt bhing Hinh 1

vecto 718 va AB
Cho lai vecta é va b deukhio 0, Tirmot didm @
balkitavi Od=a. OB=h

Goe AOB vén 56 do tir 0° dén 180° duoe goi 1a gde b
giiva hai vecte @ v b \
Ta ki hidu goe gifta hai vecta @ va b la (a, b ) y’
Néu(d, )= 90" thi ta ndi tang @ va & vuong goe

vén nhau, ki higula @ L 6

Hinh 2

Chiiy:
—Tir dinh nghifa ta ¢6 (@, b) = (b, d).

~ (yoc giita har vecto cing haong va khac 0 luon bing 0,

— Gide giita hat vecto ngiroe ldng va khae 0 ludn bing 1807

— Trong trudng hop eo 1t nhat mat trong hat vecto & hede & 1 vecto D thi ta quy ude
50 do goe it ha vecto do 1a tuy v (hir 0° den 1807

i B c i
—_— -+ .

L 4

(@, b)=10" (£. d)= 180"
Hinh 3
Vidu1 A
Cho hink vusng ABCD 6 tim J 14 giao di2m eida hat dudmg chéo,

Tim cac goo:

o (B.AB), v (B, o (B DE). a6 L)
e 2 Hirth 4 e

a) Ta et DI = IB, DC = AB, suy ra (E,:{—B}:{Eﬂ EIEJ]: bC=45
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b) Taeo: IC = Al, suy ra (B, 47)=(JB, IC)= BIC = 90*,
¢) Do hat vecto B, DB cimg hudmg nén taco (1B, DB =10"

d) Do hat vecto 4, IC nguoe harémg nén ta co (24, 1€ )=180°

@I Cho tam grac deuABC co H 14 trung didm ciia canh BC. Tim eic goc:
(4B, C), (4B, BC), (4H, BC), (BH, C), (7B, BC)

2. Tich vé6 hu'é'ng cua hai vecto

Q M6t nguoi dimg mét lue F c6 cuong dé 10 N
kéo mdt chiée xe di quing dudmg dar 100 m,
Tinh cong smh b lwc F, et rang goe giira
vecto F vh Inomg di chuyén 1 45", (Cong A4
(dern vi: J) béing tich eiia ba dat lirong, ciromg do
etia lwe F | d dii quing dimg va cdsin ciia gde
piita hai vecte F v dé dich chuvén d)
?C'hu hai vecto & va b deukhac 0.
Tich vé hirdmg ctia 4 va b 1a mot 5o, ki lnéu la & b . duoe xéc dinh bén cong thie:
a bl [5] cos(a. B),

Cha y:

a) Trromg hop it nhat mét trong hai vecto @ va b bang 0, ta quywoc . b =0

b) Vai @ va b déukhac 0 taco @ L besdab=0

¢) Khi d=b thi tichvé lnwmg @ b dwoe ki higu la & va daoe goi 18 bird plurong vé hieomg
cua vecto a,

Taco a’ = lal lal cos0® =|al” Viy binh plureng vé luréng cia mét vecte lnén bing binh
phiromg do dan cia vecto do.

Vidu2
Cho tam giic deuABC co canh bing 4 va ed duing cao AH, Tinh cae tich vé huong:
a) AB AC; by 4B BC: c) AH .BC
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2) AB.AC = [4B] |1C].cos( 4B, AC) = 4.4.c0560° = 16. == 8:

||

-5 =8

by 4B BC = |45 || cos( 4B, BC) = 4.4 cos120° =16 |
L

bl | —

¢) AH .BC =IE| lH—F| cos| AH, BC)= IA_HE IH_Fl.cuﬁﬂﬂ“= {.

Chii y: Trong Vit li, tich vo lnwmg ctia F va o bién didn céng 4 sinh bé lue F K thine
hién @6 dich clmyén d = Ta c6 cong thie: 4=F d.

Cho tam gidc ABC vudng can tai A, ¢6 canh huyén bing 2
Tinh cac tich vé humg: AB.AC, AC BC, B4 BC .

@

Hai vecto 4 va b ¢d d6 dai lin luot 1a 3 va 8 va ¢6 tich vo humg 1a 1242 . Tinh goc
giira hai veeto @ vi b,

Mot ngudi dimg motlee F eo dd lom 1a 20 N kéo mét vit dich chuyén mét doan 50 m
cing lnxomg véi F Tinh eéng sinh boi hre F,

3. Tinh chét cla tich vé huéng
Nauai ta elimg minh dirge cae tinh chat sau day cia tich vo hirang:

Vor ba vecto &, b, ¢ bat ki va mon 36 &, ta co;
ab="b.a: ab+8)=ab+ac;

(kayb=klab)=alkd).
Vidu3

Ap dung cac tinh chat cia tich vé lnrémg, chimg minh ring: (aa i) =gkl
iy
Taco: (a+b) = (i

=T

b)(a+by=a.a+a.b+b.a+b b
h+id b+bi=a+2ab+b*

Nhédn xét: Clumg mnh teong fur, ta cling co:

(d+b) a-b)=a"-b*
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Vidu4
Cho tam giac ABC. Tinh canh A8 theo hai canh con lm va goe C

Giddi
Ta ¢6 AB'=7AB =(CB-CA) =CE +T4 - 2CB.CA=CB" +C4* - 2CB CA cosC

hay ¢*= a® + b*— 2becosC,

& Cho hai veeto 7, 7 vudng goc, eimg c6 85 did bing 1.
o) Tind: (7 + 1) @ - D% G+ DG - D
b) Cho @ =27 +27. b =37 - 3] Tinh tich vé hréng & b vé tinhgée (&, b)

'E"z Phiin tir sulfir dioxide (S0,) cé cau tao hinh chit V, goc lign két OSO gan bing 120°
Nguéi ta bigu dign s phan cre giita nguyén i 8 voi moi nguyen hr O bang eac veeto i
vi [l, c6 cimg pluong vai lign ket céng hod tr, 6 chigu tir nguyén b S vé mdi nguyén
tir O v eimg co 36 dai la 1,6 dom vi (Hinh 6), Cho bigt vecto téng | = |, + &, dwge dimg
de bien dign si phin eye cia e phan bt SO, Tinh d6.dai cie i

1. Cho hinh vuéng 4ABCD ¢6 canh bing a. Tinh che tich v hréng
AB AD . AB AC . AC.CB, AC.BD.

2. Cho hinh chir nhat ABCD co thm & va cho A0 = a, A8 = 2a. Tinh
a) AB.AO; b) AB.AD.

3. Cho ba didm O, A, B thing hing va 04 = a, OB = b. Tinh tich vé luring GA.OB trong hat
truong hop:
a) Biem O ndm ngod doan thing 48, 1) Diém O ném trong doan thing AR,

4. Cho doan thing 48 co O la tnng diém via cho dizm Mty v, Chemg munh ring:

MA ME = MO* - 04

5. Mot nguai dimg mot lye F eo ddlon 1a 90 N lam mat vt dich chiryén mét doan 100 m. Biét
hre F lop vén luréng dich chuyén mét gée 60° Tinh cdng sinh bé e F

6. Cho hai veeto co 46 dai lan hrot 1a 3 va 4 va co tich vo huong la 6. Tinh goe gitta hai

vecta do. 100
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CAC DANG TOAN VA PHUONG PHAP GIAL

Dang 1: Tinh tich vo6 huéng 2 vecto va xac dinh géc cia hai vecto

1. Phuwong phap giai.
a) Dé tinh tich v6 hudng cua hai vecto, ta c¢6 thé sir dung:

+ Néu c6 do dai hai vecto va goc giira chiing, ta ding dinh nghia ab = ‘Zz‘ ‘l;‘ cos(Zz,l;)

+ Néu 14 tich cua tong, hiéu cac vecto ta dung tinh chét cia tich v hudng

+ Néu biét d6 dai hai vecto va d¢ dai ciia tong hay hiéu ciia chung, ta binh phwong tong hay
hi€u cua ching

+ Néu mét vecto ¢ dinh va mot vecto thay ddi ta c6 thé dung dinh 1y hinh chiéu.

b) Pé tinh goc cua hai vecto, ta sir dung cong thirc: cos(Zz,l;) = a'l‘)ﬂ
|5

a

2. Cac vi du.

Céu 1. Cho tam gidc ABC déu canh a, tim O. Hiy tinh:
a). AB.AC
b). AB.BC
o). (0B +0C)(4B - AC)
d).(ZE+2Z€)(Z§—3§6)
Loi giai

A

B - c
a). AB.AC = ‘TBHE‘ COS(E,E’) = AB.AC.cos60° = a.a.% = a_22
b). AB.BC = BABC = || [BCeos A, )

2
— BABC.cos60° = —aar =2
2 2

¢). Goi E latrung diém ctia BC ¢6 OB+0C =20E, AB—AC =CB ;
Do do (@+R‘)(TB—R‘) =20E.CB= 2‘@“@‘&05(@,@)
=2.0E.CBcos90° =0.

d). Khai trién biéu thirc, ta dugc

D =(4B+24C)(4B-3BC)= AB —3A4B.BC +24B.AC —64C.BC
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2
Chuy r?mg: AB.BC = —%; ABAC=—; ACBC=—

2 2
a

Tudo D=a® 4+ +a? 322 =L
2 2

Cau 2. Cho hinh vuong 4ABCD canh a ,tam O. Hay tinh:

b). ON.AB; NA.AB v6i N 1a diém trén canh BC.

¢). MAMB+MC.MD v&i M nam trén dudng tron noi tiép hinh vudng.

Loi giai
A D
I'n 17
0
B N C
a).

e AB.BC =—-BABC = —‘fﬂ‘.‘?@‘.cos(ﬁ,ﬁ) =—BA.BC.cos90° =0

o 055D -~ ED ~[3| D] os(FALBD) - BABD cosds’ ~-aaZ 2 -

. (E+E)(@+R‘) - TC(@+R‘) — AC.BD+ AC.BC

- 0+‘EH17C‘ cos(TC,R') = AC.BC.cos45" = @

b).
« ONAB = (BN - BO) AB = BNAB - BO 4B = ~BOAB (do BN 1 4B = BN.AB=0)
50 =[50 |84 cos( B0, A) = 22 Y2 - &

2 2 2

o NAAB= (ﬂ - ﬁv)ﬁ —BAAB-BNAB =-AB =-d°

c).
MA.MB + MC.MD = (MH +ﬁ2)(}\7ﬁ +ﬁ§)

= (MH + HA)(MH — HA) = MH® ~ HA

Cau 3. Cho hinh thang ABCD c6 day 16n BC =3a, ddy nho AD =a, dudng cao AB =2a
a). Tinh ZE@E, E@EE, AC.BD
b). Goi / 1a trung diém cua CD. Hay tinh goc gitta Al va BD.
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Loi giai
B E c
H 1
A D

— Dung DE 1 BC,E € BC => ABED la hinh chit nhat. Do d6 AB.CD = DE.CD
TN T~ o~ e o~ TN o~ 0 \/5 2
~-DE.DC = —‘DEHDC‘.COS(DE,DC) = —DE.DC.cos45’ = —2a.2ax/5.7 = —4aq

_ BCBD=3BEBD= 3.‘B_E".‘E)".coszﬁ _3E8p. 2L _34
BD
- 7IC.5B = (BC - BA)(AD - 4B) = BC.AD - BC.AB - BAAD + FA.B
0 0

:‘R“HE‘.COSOO _AB’ =BC.AD - AB® =3a.a-4d* =—d*
(Vi BC L AB= BC.AB=0; BA 1 AD = BA.AD=0).

b). Goi H trung diém cua AB, suy ra HI 1a dudng trung binh cta hinh thang ABCD, do d6
AD+ BC
H =———=2a

Co A1.BD (i ~ FA)(AD - 4B) = Fi.AD - HI.AB - HAAD + F1A.AB
0 0
Ma HI.AD = HI.AD.cos 0" = 2a.a = 2a°
HI.AB=0(do HI 1 AB); HAAD=0(do HA 1 AD).
_—— | =—— 1 —=2 )
A.AB=—BA.AB=—-—AB =-2a
2 2

Vay AI.BD =0=> Al | BD => gbc giita Al va BD bing 90°.

Céu 4. Cho tam giadc 4BC déu canh a , dudng cao AH . Tinh:

a). AB.AC; BA.AH .
b). (@—@)(2@—3@)
Loi gidi

A

-
B H C
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a).

2

— AB.AC = AB.AC.cos BAC = a.a.cos 60° = %

a\3

2
- BAAH =~AB.AH =~AB.AH.cos BAH = .= > cos 300 = 3%

b). (@—@)(2@—3@) = 25(2@—3E) —2AB.CA-34B.AH

2 2 2
— 2ABAC-3ABAH = 2% 334 _ 13
S 4

Céu 5. Cho hinh thoi ABCD tam O canh bang 7, goc BAC =60°. Tinh:

AB.AC; AB.OA; AC.BD; AB.OB
Loi giai

A

B C

Do BAC =60" = AABC déu = AC=7,B0= 7\26 (dudng cao tam gidc déu = _can;l-\/g )

— AB.AC = AB.AC.cos BAC =7.7.cos 60" = %
— AB.OA=-AB.AO=—-AB.A0.cos60" = —7%.% = —4749

- R‘.ﬁazo(do E‘Lﬁ))

a«/g 3a*

— AB.OB=BABO = BA.BO.COSZI-?\O: a.T.cos300 :T
Cau 6. Cho cac vecto Zz,l; co do dai béng 1 va théa man diéu kién ‘221—31;‘ =3. Tinh COS(ZI,B) .
Loi giai
- - - =\2 ) - =2

Ta co ‘2a—3b‘:4c>(2a—3b) — 16 4a —12ab+9 =16

o 44 —12.‘21‘.‘13‘.005(21,13)+9b2 ~16

Rt 4—12005(5,5)+9 =16=> COS(ZI,B) = —l.
4

Cau 7. Cho cac vecto Zz,l; c6 d6 dai bang 1 va goc tao boi hai vecto bang 60°. Xac dinh cosin gboc
gitra hai vec to u va v véi u=a+2b, v=a-b.

Loi giai
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Ta oo w5 =(a+25)(a-5)=a +ab-25 =a? +[aFleos(.5) 267 =1

o =(Z¢+213)2 —d +4ab+4h =1+4.1.1.c0360° +4.1=7:>\&\=ﬁ

oV =(Zz—l3)2 =d -2ab+b =1—2.1.1cos600+1:1:>‘;‘:1

wy 2 A7

i = i -].cos (i.3) = cos 1,7) - iR

Céu 8. Trong mit phang Oxy cho A(L;1),B(2;4),C(10;-2)
a). Chimg minh ring 4BC 1a tam giac vudng.
b). Tinh BA.BC suy ra cosB
Loi giai
BC|=BC =100
Co BC* = AB’ + AC* =100 = AABC vuong tai 4.
b). C6 BA=(-1;-3), BC =(8;-6) = BA.BC = (~1).8+(-3)(=6) =10

a). \@\:ABzJﬁ,

E“:AC:@,

Ngoai ra BA.BC = ‘BZHI?G‘ cos(fﬂ,ﬁé)

— ——\  BABC 10 1
:cos(BA,BC): ‘BZHEE" = \/E\/@ :\/E.

Cau 9. Cho hai vecto don vi Zz, b thoa man didu kién ‘221 —I;‘ = \/5 . Tinh Zz.l;;

a+ 13‘
Loi giai

a-b=V3=(2a-5) =340 ~dab+h’ 3mab=> =0

N ) . 22 1 -~ =
Co (a+b) =aqa +2ab+b :1+2.(——j+l:l:‘a+b‘:l
2

Dang 2: Biéu thirc toa d ciia tich vd hwéng.

1. Phwong phap giai.
e Choa= (z,39,), b= (z,;y,) . Khi do

+ Tich v6 huéng hai vecto 1a a.b = z,z, + 1,

+ Goc cua hai vecto dugc xac dinh bdi cong thuce

cos(g g) _ b Tty + %Y
Jai +yiNa + v

—||—

allb

Chiy:a lLbsab=0% 2z, +yy, =0
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e Dé x4c dinh do dai mét vecto doan théng ta sir dung cong thirc
_ 2 + yz

+ Néu A(xA;yA), B(J’JB;?JB) thi AB = \/(xB - xA)Q + (yB - yA)2
2. Cac vi du.

CAu 1: Cho tam gidc ABC ¢6 A(1;2), B(—26), C(9;8).

—

+Néu a = (z;9) thi |a

a) Chung minh tam giac ABC vudng tai A.
b) Tinh goc B cua tam giac ABC
¢) Xac dinh hinh chiéu ctia A 1én canh BC
Loi giai:
a) Taco AB(—3;4), AC(8;6)= AB.AC =—-38+46=0
Dodé AB L AC hay tam giac ABC vudng tai A.
b) Tacé BC(11;2), BA(3;—4)

===y 11342(-4) 1
Suy ra cosB-cos(BC,BA)- = 32+(_4)2_T5

¢) Goi H (x;y) la hinh chiéu ctia A 1én BC.

Tacé AH(z—1;y—2), BH(z+2y—6), BC(11;2)
AH 1 BC < AHBC =0<11(z—1)+2(y—2)=0
Hay 11z 4+ 2y —15=0 (1)

T2 Y0 o 1y +70=0 ()

Mat khac ﬁ,?ﬁ cung phuong nén = 3

Tir (1) va (2) suy ra x:%,y:%

32

2

Vay hinh chiéu caa A 1én BC 1a H[ :

| —

Ciu2.  Cho cicdiém 4(4V3;-1), B(0:3), C(8v3;3).
a) Tinh cac canh cua tam giac ABC .
b) Tinh cac goc ctuia tam gidc ABC .
Loi gidi.
a) Ta c6 ZE:(—4\E;4):> AB=/48+16 =8.
ﬁ(?:(Sﬁ;O):BC:&/g
CA =(—4J§;—4):> AB =8

2 2 pe2 _
b) Ta c6 cos 4= AB +AC=BC® _128-192 1
2.4B.AC 128 2
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~

Suy ra A=120° va vi tam giac can tai 4 nén B=C=30".
Cau3. Cho cdcdiem A(-1;-1), B(3;1), C(6;0).
a) Chirng minh ba diém 4, B,C khong thang hang.
b) Tinh géc B va dién tich tam gidc ABC .
Loi giai.

a) Tacd AB = (4:2), AC = (7:1). Vi g - % nén ba diém A4, B,C khong thang hang.

b) Tacé BA=(-4;-2), BC=(3;-1).

Do do cosBzcos(fﬂ,l?@): (4)3+(2)(-1) _ -10 —_ﬁ

J16+4-9¢1 200 2

Vay B=135".
‘ o | T V2
Ha duong cao AH tacd S :EBC.AB.s1n45 :E 9+1.\/16+4.7 =5.
Caud. Cho cacdiem A(1;3), B(4:2).
a) Tim toa do diém D nam trén truc Ox va cach déu hai diém 4 va B.
b) Tinh chu vi va dién tich tam gidc OAB .
Loi giai.
a) Vi D nam trén truc Ox nén D(x;0). Ta co
DA=DB & DA* =DB* & (x—1)’ +3* =(x—4) +22

<:>x2+1—2x+9:x2+16—8x+4<:>x:§.
Vay D[%;Oj.

b) Chu vi tam giac la
OA+OB+0C =12 +3% +/4% +2% /32 + 12 :2Jﬁ+@:2(\/ﬁ+\/§)

Tacé OA= AB=~/10 va OB=+20 = ACA2 néntam giac OAB la tam giac vudng cantai A .

OAOB _

Vay dién tich tam gidc OAB 1a S = 5.

CAu5.  Cho céc diém A(4;6), B(5;1), C(1;3). Tim toa do tim va ban kinh duong tron ngoai tiép tam
giac ABC.
Loi gidi.
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, 14* = IB?

Goi [ (x; y) la tam duong tron ngoai tiep tam giac ABC, ta ¢c6 IA=IB=1IC <:>{IA2 1

x—4Y +(y—-6) =(x=5) +(y-1)"  [2x-10y=-26 x=-7

@{( A O it
(x—4) +(y—6) =(x—1) +(y+3) y yZE

- (x—4)2+(y—6)2=(x—5)2+(y—1)2@{2x—10y:—26 - =T
(x=4) +(y=6) =(x=1) +(y+3)" (Ox-18y=—42 ") 5
2

1Y P
Vay [ —l &l va ban kinh 74 = —— ——6 :ﬂ.
2°2 2 2

Cau 6. Cho tam gidc ABC c6 ba dinh 4(-3;0), B(3;0), C(2;6). Tim toa do trong tim G va truc

tam H cua tam giac.

Loi giai.
X, +x,+x, 2
TTT3 T3 2
Trong tam G c6 toa do . Vay G(—;2j.
_YatVptde 5 3
G 3 -

Goi H (x;y) 1a truc tim ta co

BHAC=0 [(x-3)(-3-2)+(»-0)(0-6)= Sx—6y=-15" |y=

5
Vay H| 2;—|.
ay 122

Cau 7: Cho ba diém A(3;4), B(2;1) va C(—1;—2). Tim diém M trén duong thing BC dé goc

{ﬁﬁé;o@{(x+3)(2—3)+(y—0)(6—0)=0 @{_X+6y:3 x
0

0
| N

AMB = 45"
Loi giai:

Giastt M (x;y) suy ra FA(S—x;4—y), W(Q—:E;l—y), Fd(—:ﬁ;—iﬁ)

Vi AMB = 45° suy ra ‘cosAMB‘ = ‘cos(m;ﬁa)‘

& cos4h’ ‘MABC \/52 |_ — 3( y)|
‘MAHBO‘ \/(3—x) (4 y)YN9+9

B2 +(4—y) =|z+y—T] (¥

Mit khac M thudc duong thing BC nén hai vecto W, BC cung phuong
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2 — X 1 — Y
3 :—?)y@x:y—l—l the vao (*) ta duoc

Suy ra

J2—yY +(4—y) =[2y—6| < 1’ —6y+8=0<y=2 hodic y =4

+V6iy=2=1x=3,tacod m(O;Z), W(—l;—l) = cos AMB = cos(ﬂ;ﬁ) = —%
Khi d6 AMB = 135" (khong thoa man)
+V6iy=4=12=>5, m(—2;0), ME(—B;—B) — cos AMB = cos(W;Mé) :%

Khi d6 AMB = 45"
Vay M (5;4). 1a diém can tim.

CAU HOI TRAC NGHIEM
Caul. Cho 2 va b 1a hai vecto cting hudng va déu khac vecto 0. Ménh dé nao sau ddy ding?
A. ab=ld [f B. 25=0. C.ab=-1. D. ab=—|al[g
Loi giai
Chon A
Tacod ab= ‘;‘.‘Z‘.COS(Z,Z) .
Do « va & 14 hai vecto cuing huéng nén (2,5) =0° —>cos(2,5) =1.
vay a5 =[il
Cau 2. Cho hai vecto a va b khac 0. Xéc dinh goc o giita hai vecto a va b khi 2.6 = —‘Z{ 18.
A. a=180°. B. a=0" C. a=90" D. o =45"
Loi giai
Chon A
Ta cé ab=|d|.|p .cos(;,Z) .

Ma theo gia thiét a.b = —‘ZHZ , suy ra cos(a,b) =—1——(a,b) = 180"

Cau 3. Cho hai vecto  va » théa méin ‘2‘:3, ‘Z‘:Z va @b =—3. Xac dinh géc o giira hai vecto a va

S

A. a=30° B. a =45 C. a=60". D. a=120°
Loi giai
Chon D

—|

b

.cos|a,b)——cos(a,b)= b === (ab)=120"
(6.8)—cos(af) = S =15 =~ ——(ad)

Ta co Z.Z:‘Z -
|;,»|.‘b‘ 32 2

Cau4. Cho hai vecto 7 va b théa min H:‘Z‘:l va hai vecto ﬁ:%Z—ﬁJ Va ¥ =a+5 vuodng goc véi

nhau. Xac dinh goc o giita hai vecto a va b.
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Cau 5.

Cau 6.

A. a=90°. B. o =180 C. a=60".
Loi giai
Chon B
Tacs 7L7——ii =0 [2a-38|(i+) =0 25" - L2a- 58 o

el Y

>

d.

Cho hai vecto @ va b . Dang thirc ndo sau day sai?

Suy ra cos(Zz',Z) - - —1—>(Zz',3) —180°.

|a

i

i+ —[af |5

A. a.Z_l[
2

2 N
]. B. a.b_—[
2

2

—

C. b %Uaﬂ)

—

a—b

2]. D. a.i;_l[
4

Chon C

\

Nhén thay C va D chi khac nhau vé hé s6 = va

N | —
NG

- 12 N
Ta co ‘a—i—b‘ —la—b

"= (a+8) —(a-B) = 4;z_>;.z:i[\;+zr i

WEB: TOANTHAYCU.COM
D. a=45"

nén dép an sai s€ roi vao C hoac D.

1

o Ading, vi|a+8[ =(a+8) =(a+8).(a+8)=aq+ab+batbb=|d +[5 +2ab

Sy %UM\Z _jaf —\5\2]-

¢ B dung, vi ‘2—5

b= af + ] -

5—5‘2].

Cho tam giac déu ABC c6 canh bang a. Tinh tich v huéng AB.AC.

2 2
A. AB.AC =24 B. 4B.AC=-2 ;/3 C. AB.AC = —%.
Loi gidi
Chon D

Xac dinh dugc goc (E,TC) 12 goc 4 nén (TB,,TC): 60"

2

Do d6 AB.AC = AB.AC. cos(ZE, ZE’) =a.a.cos60° = %.

Céu 7. Cho tam giac déu 4BC c6 canh bang a. Tinh tich v hudéng AB.BC.

2 2
A. AB.BC = d*. B. 4ABBC =12 f C. ABBC = —%.
Loi giai
Chon C

(o8] (-8 (5-B)—aa—ab—ba bb—[af +[5 205

2

D. A_'B.R:%.

D. TBE:%.
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Xac dinh dugc goc (TB,B_C') 12 gbc ngoai clia goc B nén (TB,B_C') =120°.

2
a

Do d6 AB.BC = AB.BC. cos(TB,ﬁ) =a.a.c0s120° = -

Céu 8. Cho tam gidc ABC vudng cin tai 4 va c6 4B = AC =a. Tinh AB.BC.

A. ABBC = —d*. B. AB.BC = 4.
2 2
C. 4BBC=-2 ﬁ. D. AB.BC:aﬁ.
2 2
Loi giai
Chon A

Xac dinh dugc goc (TB,B_C') 12 gbc ngoai clia goc B nén (TB,B_C') =135°.
Do d6 4B.BC = AB.BC. cos(TB,ﬁ) =a.av2.cos135° = —g?.

Céu 9. Cho tam gidc ABC vudng tai 4 va cd AB=c, AC =b. Tinh BA.BC.

A. BABC =10 B. BABC =c*.
C. BABC=0" +¢°. D. BABC =b* —c*.
Loi giai
Chon B
Ta c¢6 BA.BC = BA.BC. cos(ﬂ,ﬁ?) = BA.BC.cos B=cAb* +¢° % =2
b” +c

Cich khac. Tam gidc ABC vudng tai 4 suyra 4B 1 AC = AB.AC =0.
Ta c6 BA.BC = BZ.(BZ+Z€) —BA +BAAC = AB> =¢*.
Cau 10. Cho tam gidc ABC c6 AB=2 cm, BC =3 cm, CA =5 cm. Tinh CA.CB.

A. CACB=13. B. CACB =15. C. CACB=17. D. CACB=19.
Loi giai

Chon B

Tacd AB+BC =CA = badiém 4, B, C thang hang va B nam giita 4, C.

Khi d6 CA.CB = CACB. cos(ﬁ,?B) —3.5.cos0° = 15.

— s —\2 ———
Cich khac. Ta co AB’ = 4B = (CBfCA) — CB> — 2CBCA + CA>
—_.CBC4 :%(CBZ 1 CA? fABZ):%(SZ +5°—2%)=15.

Cau 11. Cho tam gidc 4BC cb BC=a, CA=b, 4B=c. Tinh P =(4B+AC)BC.

2 2
A P=b—c", B. P=° ;b .
Cc p_C b +a D P7c2+b2—a2
e P
Loi giai
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Chon A
Taco p— (4 + 4€) BC - (48 + 4) (i + 4C)
:(E+A_'B).(R—A_'B):R2 _AB = AC* — AB* =¥ —¢*.

Cau 12. Cho tam gidc ABC ¢O BC =a, CA=b, AB=c. Goi M latrung diém canh BC. Tinh AM.BC.

2 2 2 2
A, AMBe=b "¢ B. AMBC="5 erb .
C. i Be_Stb+a D. iBc_C -
Loi giai
Chon A

Vi M 14 trung diém clia BC suy ra 4B+ AC =2AM.

Khi d6 AM.5C = (4 +AC).BC = 4B+ AC).(Bd+ AC

2 2
= l(AC+AB).(AC—AB) = l(Ac2 —ABZ) = l(Ac2 —AB)= b—c
2 2 2
Cau 13. Cho hinh vuéng 4BCD canh a. Tinh 4B.AC.
D A~ 2 D A~ 2 - 1~ \/5 2 D A 1 2
A. AB.AC =d’. B. AB.AC = a*\2. C. AB.ACZTa . D. AB.AC:Ea .

Loi giai
Chon A

Ta cod (ZE,ZE) — BAC = 45" nén AB.AC = AB.AC.cos45° = a.aﬁ.% =a’.

Cau 14. Cho hinh vudng ABCD canh a. Tinh P:A_'C.(C_D'+C7).
A. P=-1. B. P=34". C. P=-34" D. P=24".
Loi gidi
Chon C
Tir gia thiét suy ra AC = av/2.
Ta co P:25.(55+C7):25.@+25.a:7@'.55—252
= —CA.CDcos(a,c_z')) ~AC? = —a\2.a.cos45° — (a2 )2 — 34,
Cau 15. Cho hinh vudng ABCD canh a. Tinh P = (E+TC>.(B_C'+@+Q).

A. P=2\2a. B. P=24". C. P=ad. D. P=-24%
Loi giai
Chon D
BD =a\2

Taco{ . . . . . . . . .
BC+BD+BA:(BC+BA)+BD:BD+BD:2BD
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

WEB: TOANTHAYCU.COM
Khidé p= (E n Tc).zﬁ —24B.BD+2AC.BD = —2BA.BD+0

=—2.BA.BD cos(ﬂ,ﬁj) = —2.a.ax/§.g =24,

Cho hinh vuéng 4BCD canh a. Goi E 1a diém ddi xtmg cia D qua C. Tinh AE.4B.
A. AE.AB=2d". B. AE.AB=3a". C. AE.AB=+/54". D. AE.AB=5d".
Loi gidi
Chon A
.| B
\
D c E

Ta co C 1a trung diém ciia DE nén DE = 2a.

Khi d6 AE.4B = 4D+ DE).4B = AD AB + DE.4B
0
= DE.AB. COS(EE,ZE) = DE.AB.cos0° = 24*.

Cho hinh chit nhat 4BCD c6 4B =8, AD =5. Tich AB.BD.
A. ABBD =62. B. AB.BD = 64. C. AB.BD=—62. D. AB.BD = —64.
Loi giai
Chon D
Gia thiét khong cho goc, ta phan tich cic vecto 4B, BD theo cac vecto co gia vudng goc véi

nhau.

I

Ta cb6 AB.BD = TB.(EHTC’): ABBA+ AB.BC = —AB.AB+0=—AB* — —64 .

Cho hinh thoi 4BCD ¢6 AC=8 va BD=6. Tinh 4B.AC.
A. AB.AC =24. B. 4B.AC =26. C. 4B.AC =28. D. 4B.AC =32.
Loi giai
Chon D
Goi 0= ACnBD, gia thiét khong cho goc, ta phan tich cac vecto 4B, AC theo cac vecto co gia
vuong goc voi nhau.
Ta co

AB.AC ~ 40+ 0B) AC = 40.4C +0B.AC = AC.AC +0 = AC* =32.

Cho hinh binh hanh 4BCD ¢6 AB=8 cm, AD =12 cm, gbc ABC nhon va dién tich bé“mg 54 cm’.
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Tinh cos(TB,FC).

A. cos(ﬁ,ﬁa):%. B. cos(ﬁ,ﬁa):—¥.
C. cos(ﬁ,ﬁa):%. D. cos(ﬁ,ﬁa):—%.
Loi giai
Chon D
A D
L/

Tacod S, =2.8 e =54 Sy pe =27cm’. Dién tich tam giac 4BC la:
Sy = %.AB.BC. sin ABC = %.AB.AD. sin ABC.

e 28 227 9

=sin ABC = =——=—
ABAD 8.12 16
— prii
——c0s ABC =\1—sin> ABC = —— (V1 ABC nhon).

Mit khac goc giita hai vecto TB, BC 1a gbc ngoai ciia goc ABC

Suy ra cos(@,ﬁ) = cos[lSOO —ABC] =— cos ABC = — %

CAu 20. Cho hinh chit nhat 4BCD ¢6 AB=a vad AD=a~2. Goi K la trung diém cua canh 4D. Tinh
BK.AC.

A. BK.AC =0. B. BK.AC=—-da’\2.  C. BK.AC =ad*\2. D. BK.AC =24,
Loi gidi
Chon A
a E D
] c

Ta cd AC = BD =+ AB* + AD* =2a* +a* = a\3.
|BR —Bd+ 4K =B+ 4D
Taco 2
AC = AB+ AD
——BR.4C ~ B4+ 4D (a8 + D)
1 — 1 —
—BAAB+BAAD+2ADAB+ZADAD——a 1040+~ (af)

Cau 21. Trong mit phang toa do Oxy, cho ba diém 4(3;—1), B(2;10), C(—4;2). Tinh tich v huéng
AB.AC.
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A. AB.AC = 40. B. 4B.AC = —40. C. 4B.AC =26. D. AB.AC = -26.
Loi giai
Chon A
Tacd AB=(—1;11), AC=(-T7;3).
Suy ra AB.AC =(—1).(=7)+11.3 = 40.
CAu 22. Trong mit phing toa do Oxy, cho hai diém 4(3;—1) va B(2;10). Tinh tich v6 huéng 40.0B.
A. AO.OB=—4. B. 40.0B =0. C. A0.0B=4. D. A0.0B=16.
Loi giai
Chon C
Tacd 40 =(-3;1), OB =(2;10).Suy ra 40.0B=—3.2+1.10=4.
Céu 23. Trong mit phang toa dd Oxy, cho hai vecto a =4i+6; va =3/ —7;. Tinh tich vé huéng a..
A. ab=-30. B. ab=3. C. ab=130. D. ab=43.
Loi giai
Chon A
Tur gia thiét suy ra a =(4;6) va b=(3;—7).
Suy ra a.b=4.3+6.(-7)=—-30.
Céu 24. Trong mit phang toa dd Oxy, cho hai vecto a= (—3;2) va b= (=1;—7). Tim toa do vecto ¢ biét

ca=9 va c.b=—20.

A. c=(-1-3). B. c=(-1,3). C. c=(;,-3). D. c=(13).
Loi giai
Chon B
Goi Z:(x;y).
Ta c6 F'é_g @{3x+2y_9 @{x_lﬂi_(lﬁ).
ch=-20 [—x-Ty=-20 |y=3

Cau 25. Trong mit phang toa dd Oxy, cho ba vecto a=(1;2), 5=(4;3) va ¢=(2;3). Tinh P= Z.(Z+3).
A. P=0. B. P=18. C. P=20. D. P=28.
Loi giai
Chon B
Tacd b+c=(6:6).Suyra P=a(b+c)|=16+26=18.

Céu 26. Trong mat phing toa do Oxy, cho hai vecto a= (—=1;1) va 5=(2;0). Tinh cosin ctia goc giita hai

vecto 4 va b.

A. cos(gz',?;):%. B. cos(;,l;):—%. C. cos(a,g)z—ﬁ. D. cos(Z,Z):%.
Loi giai
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Cau 27.

WEB: TOANTHAYCU.COM

hai vecto @ va b.

Chon B

. (~7\_ ab ~1.241.0 2
Ta co cos(a,b|= qa — = =——.

#9 allf ey srSzee 2
Trong mit phang toa dd Oxy, cho hai vecto a = (=2;—1) va b=(4;—3). Tinh cosin cuia goc giita
A. cos(Z,Z):fﬁ. B. cos(Z,Z):&. C. cos(Z,Z):ﬁ. D. cos(;,Z):l.
5 5 2 2
Loi giai

Chon A

:\5\~\5\_ JiriJi6+9 5

Cau 28. Trong mit phing toa dd Oxy, cho hai vecto a=(4;3) va 5=(1;7). Tinh goc o giira hai vecto a
Va b.
A. a=90°. B. a=60°. C. a=45°. D. a=30°.
Loi giai
Chon C
. (=7 ab 41+3.7 2 -
Ta c6 cos(a,b)= =2 — =— b)) =45°.
(a ) ‘;HZ‘ JI6+941+49 2 (a )
Céiu 29. Trong mit phing toa dd Oxy, cho hai vecto x = (1,2) va y= (=3;—1). Tinh goc o giira hai vecto
x va y.
A. a=45° B. a=60°. C. a=90°. D. a=135°.
Loi giai
Chon D
. = xy  L(=3)+2(-1) 2 -
Ta co cos(x,y)= —2 — =—— ,y|=135°
(=) ‘}H}‘ N INCES 2 (+)
Ciu 30. Trong mit phang toa dd Oxy, cho hai vecto a=(2;5) va Z:(S;—7). Tinh goc o gitra hai vecto
avab.
A. a=30°. B. a=45°. C. a=60°. D. a=135°.
Loi giai
Chon D
. =7\ ab 2.3+5(-7) J2 .
Ta c6 cos(a,b)= =2 — == (ab|=135".
(a ) ‘;Hb‘ 41259449 2 (a )
Ciau 31. Trong mat phing toa do Oxy, cho vecto 2:(9;3). Vecto nao sau day khong vuong goc voi
vecto a?
A. v, =(1;,-3). B. v, =(2;,-6). C. v, =(1;3). D. v, =(-13).
Loi giai
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Chon C
Kiém tra tich v6 hudng 4.v, néu dap an nao cho két qua khac 0
vudng goc voi a.

Cau 32. Trong mat phéng toa d0 Oxy, cho ba diém A(1;2), B(-11) va C(5—

hai vecto 4B va AC.

WEB: TOANTHAYCU.COM
thi két luan vecto d6 khong

1). Tinh cosin cua goc gitra

A. COS(E,TC)Z—l B. cos(ﬁ,ﬁ):ﬁ.
2 2

C. cos(TB,TC): _2 D. cos(ZE,Z@): —ﬁ.
5 5

Loi giai
Chon D
Tacd AB=(—2;—1) va AC = (4;-3).
ABAC  —24+(-1).(-3) 5

Suy ra COS(ZE,Z@)

a ‘E".‘A_c" T Ja+116+9 5

Cau 33. Trong mit phang toa d6 Oxy, cho tam gidc ABC co A(6;0), B(3;1) va C(—1;—1). Tinh s6 do goc

B cua tam giac da cho.

A. 15° B. 60°. C. 120°.
Loi giai
Chon D
Tacd BA=(3;—1) vd BC =(—4;—2). Suy ra:
BABC 3.(-4)+(-1).(-2) 2

= -

cos(fﬂ,ﬁa) 5

a ‘EHFC‘ T 9+116+4

D. 135°.

B— (BZ,EE): 135°.

Céu 34. Trong mit phang toa d0 Oxy, cho hai vecto u = %?—5}' va v=+ki—4; Tim & dé vecto u vudng

g6c voi v.

A. k=20. . k=-20. C. k=-40.
Loi giai
Chon C

Tur gia thiét suy ra u = [%;_5],; — (k;—4).

Yéu cau bai toan: u 1 v < %k+(—5)(—4) =04 k=—40.

Céu 35. Trong mat phing toa do Oxy, cho hai vecto Z:%?—S}' VA v=Fki

vecto v ¢6 do dai bang nhau.

A k=37 B. g V37 C. g7
4 2
Loi gidi
Chon C

D. & =40.

— 4. Tim & dé vecto u va

D. k=

oo | L
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Tir gia thiét suy ra 7 — [%;—5],3 —(k—4).
Suy ra H:'%“S:% 101 va ‘;‘:\/k2+16.D0 do dé
‘Z‘:‘Z‘@\/kul :%JlOl@kH—léz%@kz=%7<:)k:i@.

Cau 36. Trong mat ph'fmg toa dd Oxy, cho ba vecto a = (—2;3), b= (4;1) va ¢=katmb V6i k, meR. Biét

rang vecto ¢ vudng goc véi vecto (Z + 5) . Khing dinh nao sau day ding?

A. 2k =2m. B. 3k =2m. C. 2k+3m=0. D. 3k+2m=0.
Loi giai
Chon C
c=katmb= —2k+4m;3k+m
Taco |, ( )
a+b=(2;4)

DE ¢ L(a+5) c(a+5)=0 & 2(~2k+4m)+4(3k+m) =0 2k+3m =0,

Cau 37. Trong mit phang toa dd Oxy, cho hai vecto a=(—2;3) va b=(4;1). Tim vecto d biét a.d =4 va

bd=-2
A 3:[2,2] B 3:[—2;—] C. 2:[2;—9]. D 3:[—2;—9].
77 77 7 7 7 7
Loi giai
Chon B
. 5
.= ey 1 A , 1. |—2x+3y=4 Ty
Goi d =(x;y). Ttr gia thiét, ta co hé ¥4oy & 7,
4x+y=-2 6
J’:7

Cau 38. Trong mit phang toa do Oxy, cho ba vecto u=(4;1), v=(1;4) va a=u+my v6i meR. Tim m
dé 2 vudng goc véi truc hoanh.

A. m=4. B. m=-4. C. m=-2. D. m=2.

Loi gidi

Chon B

Ta ¢ a=u+mv=(4+ml+4m). Truc hoanh c6 vecto don vi 1a i =(1;0).

Vecto a vudng goéc véi truc hoanh < ai=0c4+m=0<m=—4.
Cau 39. Trong mit phang toa dd Oxy, cho hai vecto u=(4;1) va v=(1;4). Tim m dé vecto a=mu+v

tao v&i vecto b =7+ ; mot goc 45°.
A. m=4. B. m=——. C.m=——. D. m=
Loi giai
Chon C
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a=mutv=(4m+Lm+4)

Tacd . _ _ .
b=i+j=(11)
Yéu ciu bai toan < cos(;,Z) =cos45° = g
(4m+1)+(m+4) 2 5(m+1) 2
V2(am 1) £ (mray 2 217w 16m+17 2
m+1>0 1
& 5(m4+1)=17m* +16m+17 < - Sm=——.
(1) =V17m" +16m {25m2+50m+25:17m2+16m+17 "y
Ciu 40. Trong mit phang toa dd Oxy, tinh khoang cach giita hai diém M (1,—2) va N(-3;4).
A. MN =4. B. MN =6. C. MN =346, D. MN =213
Loi giai
Chon D

Tacd MN =(-4;6) suy ra MN =,/(—4)" +6* =42 =213
Cau 41. Trong mit phang toa dd Oxy, cho tam gidc ABC co A(1;4), B(3;2), C(5;4). Tinh chu vi P cla
tam giac da cho.

A. P=4+22. B. P=4+442. C. P=8+8V2. D. P=2+2V2.

Loi giai
Chon B
AB=(2;-2) |AB=\2"+(-2) =22
Tacd {BC=(2;2) ={BC=+2"+2" =22

CA=(-40) |ca=.(-4) +0" =4

Vay chu vi P cuatam giac ABC 1d P= AB+ BC+CA=4+442.

CAu 42. Trong hé toa do (O; ?;]’), cho vecto @ = —%?—%H’. Do dai cua vecto 7 bang

AL B. 1. C.
5

w | O

D. L.
5

Loi giai

R 3)’
S fa= [g] +

Cau 43. Trong mat phéng toa d0 Oxy, cho hai diém A(—2;4) va B(8;4). Tim toa d diém ¢ thudc truc

Chon B

foo 32 4= . [ 3.4
Tacbd=—Si——j——ad=|->;—
5 5

5 5

2
3] 1
5

hoanh sao cho tam giac ABC vudng tai C.
A. C(6;0). B. €(0;0), C(6;0). C. ¢(0;0). D. ¢(-10).
Loi giai
Chon B
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CA=(-2-¢;4)

—_—

Ta cod CeOxnén C(c;0) va
CB=(8—c;4)

Tam giidc 4BC vudng tai C nén CACB=0(—2—c).(8—c)+44=0

C:6HC(6;0)

o —6c=0< .
CZO—»C(O;O)

Cau 44. Trong mat phéng toa d0 Oxy, cho hai diém A(1;2) va B(-3;1). Tim toa do diém ¢ thudc truc
tung sao cho tam gidc 4BC vudng tai A.

A. C(0;6). B. ¢(50). C. c(31). D. ¢(0;—6).

Loi giai

Chon A

Tacod Ce0y nén C(0;c) va f:(iél;il) .
AC =(~1;¢-2)

Tam gidc 4BC vudng tai 4 nén AB.AC =0« (—4).(—1)+(-1)(c=2)=0=c=6.

Vay €(0;6).
Cau 45. Trong mat phéng toa d0 Oxy, cho ba diém A(-4;0), B(-5;0) va €(3;0). Tim diém M thudc truc

hoanh sao cho M4 + MB+ MC = 0.

A. M(-2;0). B. M(2;0). C. M(—4;0). D. M(-5;0).
Loi giai
Chon A
MA = (—4—x;0)
Tacd M cOx nén M (x;0) va {MB=(—5-x;0)—— MA + MB + MC = (—6—3x;0).
MC =(3-x;0)

Do MA+MB+MC =0 nén—6—3x =0 x = —2—— M(=2;0).
Cau 46. Trong mat phéng toa d0 Oxy, cho hai diém m (-2;2) va N(L;1). Tim toa do diém P thudc truc
hoanh sao cho ba diém M, N, P théng hang.

A. P(0;4). B. P(0;,-4). C. P(-4;0). D. P(4;0).

Loi giai
Chon D
Tacd PcOx nén P(x;0) va ﬁ:(ﬁz;_z).
MN =(3;-1)

Do M, N, P théng hang nén x;rz :_—?@x:4—>P(4;O).

Cau 47. Trong mat phéng toa d0 Oxy, tim diém M thudc truc hoanh dé khoang cach tu do dén diém
N(-1;4) bang 2+5.
A. M(10). B. M(1,0), M (-3;0).
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C. M (30). D. M(1;0), M (3;0).
Loi giai

Chon B

Tacd M cOx nén M(m;0) va MN =(—1-m;4).

Theo gid thiét: MN =245 « [MN| =245 & |[(-1-m)' +4* =25

m=1—— M (1;0)

& (14m) +16=20= m’ +2m—3=0&
m:—3—>M(—3;O)

Cau 48. Trong mat phéng toa d0 Oxy, cho hai diém A(1;3) va B(4;2). Tim toa do diém ¢ thudc truc

hoanh sao cho € cach déu hai diém 4 va B.

A. C[—E;O]. B.cC é;0]. C. C[—E;O]. D. C[E;O].
3 3 5 5
Loi giai
Chon B
) R . |4C=(x—1,-3)
Tacd CcOx nén C(x;0) va {__ .
BC = (x—4;-2)

Do CA=CB & CA* =CB® & (x—1) +(-3) =(x—4) +(-2) @ng—ﬁ[g;o]-

Cau 49. Trong mat ph'fmg toa d0 Oxy, cho hai diém A(2;2), B(5;—2). Tim diém M thudc truc hoang sao
cho AMB =90° ?

A. M(0;1). B. M(6;0). C. M(1;6). D. M(0;6).

Loi giai
Chon B
Tacd M eOx nén M (m;0) va {g:(’”_z;_z).
BM = (m—5;2)

Vi AMB=90° suy ra AM.BM =0 nén (m—2)(m—5)+(~2).2=0.

em —Tm+6=0<
m=6

SN )
M (6;0)
Cau 50. Trong mat ph'fmg toa d0 Oxy, cho hai diém A(L;—1) va B(3;2). Tim M thudc truc tung sao cho
MA? + MB* nho nhét.

A. M(0;1). B. M (0;-1). C. M[o;l]. D. M[O;—%].

Chon C

, . . |MA=(1,-1-m)
Tacd M €0y nén M (0;m) va .
MB = (3;2—m)
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— 2 — 2
Khi d6 MA* + MB* = [Md| +[MB[ =1 +(~1-m)’ +3* +(2-m)’ =2m" ~2m+15.

2
—z[m—l] + 252 vuer
2) 272

Suy ra {MA® + MB*} = 22—9

DAu " =" xay ra khi va chi khi m:%—>M

0;%].
Cau 51. Trong mat ph'fmg toa d0 Oxy, cho hinh binh hanh 4BCD biét A(-2;0), B(2;5), C(6;2). Tim toa
do diém D.
A. D(2;-3). B. D(2;3). C. D(-2;-3). D. D(-2;3).
Loi gidi
Chon A
Goi D(x;y). Ta ¢6 AD=(x+2;y) va BC=(4-3). Vi 4BcD 1i hinh binh hanh nén

x+2:4®{x:2 D(2-3).

AD=BC——
y=-3 y=-3

Ciu 52. Trong mit phang toa do Oxy, cho tam gidc ABC c6 4(1;3), B(~2;4), C(53). Tim toa do trong

tdm G cua tam giac da cho.

A. G[2;E]. B. G[i—g]. C. G(2;5). D. G[é,&]
3 3 3 3°3
Loi gidi
Chon D
1-2+5 4
TS s
Toa @0 trong tam G(x,.; la .
¥a o trong (x6355) 34443 10
STy

Cau 53. Trong mat phéng toa d0 Oxy, cho tam gidc ABC cO A(—4;1), B(2;4), C(2;—2). Tim toa d) tam
I ctia dudng tron ngoai tiép tam giac da cho.

1

A 1ftal. B. 1[_2;1]. C. 1[1;_]_ D. 1[1;_—].

4

Loi giai
Chon B
E:(x+4;y—1)
Goi I(x;y). Tacd {BI =(x—2;y—4).
a:(x—Z;y+2)

7 2: 2
Do 7 la tam dudng tron ngoai ti€p tam gidc 4BC nén I4=IB=1IC & Z;lz _f;
(x+4) +(y=17 =(x=2f +(y=4) _ [(x+4P =(x~2/+9 __ |x=—
At 2 2 2 2<:> A 4 :
(x=2) +(y-4) =(x-2) +(r+2)  lr=1 y=1
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Cau 54. Trong mit phang toa dd Oxy, cho tam giac ABC c¢6 A(—3;0), B(3;0) va C(2;6). Goi H(a;b) la
toa do tryc tm cua tam giac da cho. Tinh a4+ 65.
A. a+6b=>75. B. a+6b=6. C.a+6b=1. D. a+6b=38.
Loi giai
Chon C
AH =(a+3;b) & BC =(-1;6)

—_—

Ta c6 .,
BH =(a—3;b) & AC = (5;6)

. Tur gia thiét, ta co:

S, ,
AH.BC = (=1)+5.6= a

=0 (a+3).(-1)+06 0 5 b
BHAC=0 |(@—3)5+b6=0 b== ’

Cau 55. Trong mat phéng toa d0 Oxy, cho tam gidc ABC cO A(4;3), B(2;7) va C(—3;—8). Tim toa 4o
chan duong cao 4' ké tir dinh 4 xudng canh BC.
A. 4'(1;,-4). B. 4'(-14). C. 4'(1;4). D. 4'(41).
Loi giai
Chon C
Ad' = (x—4;y—3)
Goi 4'(x;y). Tacd {BC =(-5-15)
BA' =(x—2y-7)

N , [44'1 BC A4'BC=0 (1
Tu gia thiét, ta co{ { 1)

= .
B, A', C thanghang  |B4'— LBC (2)

e (1)&—5(x—4)-15(y—3)=0=x+3y=13.

. (2)& x_—sz :%©3x—y:—l.

x+3y=13

3x—y=-1

Giai h¢ {
y =

x=1
@{ 4——>A’(1;4).

Cau 56. Trong mat phéng toa d0 Oxy, cho tam gidc ABC c6 A4(2;4), B(—3;1), C(3;—1). Tim toa do chan

duong cao 4' vé tu dinh 4 cua tam giac da cho.

A. A'[é;l]. B. A’[—é;—l]. C. A’[—E;l]. A'[E;—l]
55 5 5 55 5 5
Loi gidi
Chon D

AA'=(x—-2;y—4)
Goi 4'(x;y). Tacd {BC =(6;-2)
ﬂ;:(x—FS;y—l)

Vi 4' la chan duong cao v€ tir dinh 4 cta tam gidc 4BC nén
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AA' 1 BC
B, C, A' thing hang
S (x—2).6+(y—4).(~2)=0 x=3
AA'.BC =0 ' ' 6x—2y=4 5
Sl L eix+3 y-1 S o e_0® x
BA'=kBC =0 x=0y= __ 2
6 -2 y= 5

Cau 57. Trong mit phang toa d6 Oxy, cho ba diém 4(-3;—2), B(3;6) va C(11;0). Tim toa d¢ diém D dé
tr gidc ABCD 1a hinh vuodng.
A. D(5-8). B. D(8;5). C. D(-5;8). D. D(-85).
Loi giai
Chon A
D@ dang kiém tra BA.BC =0—— ABC = 90"
Goi 7 13 tAm ctia hinh vudng ABCD. Suy ra I 13 trung diém cia AC—— 1 (4;-1).

x+374
. N 2, B =5
Go1 D(x;y),do I cling la trung diém cia BD—— 2 =17 = D(5,-8).
y+6__, W=-8
2

Cau 58. Trong mat phéng toa d0 Oxy, cho hai diém A(2;4) va B(1;1). Tim toa do diém ¢ sao cho tam
gidc ABC vudng can tai B.
A. C(4;0). B. C(-2;2). C. C(40), C(-2;2).  D.c(20).
Loi giai
Chon C
BA=(1;3)

—_—

BC:(x—l;y—l).
BABC =0 - L(x=1)+3.(y-1)=0
BA=BC P43 =(x—17 +(y-1)

=4-3 =0 =2
e ! ) ) a1 hay 7 .
10y*—-20y =0 x=4 x=-2

Goi C(x;y). Tacod {

Tam gidc ABC vuoOng can tai B @{ )

Cau 59. Trong mat phéng toa do Oxy, cho hinh vudng 4BCD c6 A(1;—1) va B(3;0). Tim toa do diém D,

biét D c6 tung do Am.

A. D(0;-1). B. D(2;-3). C. D(2;-3), D(0;1). D. D(-2;-3).
Loi giai
Chon B
AB = 2;1
Goi C =(x;9). Taco {_ (1) :
BC =(x—-3;y)

AB | BC

Vi 4BCD 1a hinh vudng nén ta co
AB = BC
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@{2(x3)+1.y0®{y2(3x) 4i}ly2(3’f)@{x4 hodic {x_z
1 :

(x=3)+»*=5 " |5(x-3) =5 |(x-3)= y=-2 y=2
Véi C,(4;-2) ta tinh duoc dinh D, (2;-3): thoa man.
Véi ¢, (2;2) ta tinh dugce dinh D, (0;1) : khong théa man.

Cau 60. Trong mit phang toa dd Oxy, cho tam gidc OAB v&i A(1;3) va B(4;2). Tim toa do diém E la

chan duong phan giac trong goc O cua tam giac OAB.

A. E= [5 5] B. E:[E;—l].
2°2 2 2
C. E=(-2+3J2;4+42). D. E=(-2+3J2;4-42).
Loi gidi
Chon D
Theo tinh chit duong phan gidc ciia tam giac ta co —— E4 g’; J;

NG

Vi E nam giita hai diém 4, B nén ﬂ:_Tﬁ. (*)

Goi E(x;y). Tacod [ =(1-%3-5)
EB:(4 x;2—y)
2
Tu (*), suy ra e 7(4 g {x:_2+3\5.
3oy %(2 y) y=4—\/§
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BAI TAP CUOI CHUONG 4
BAI TAP TRAC NGHIEM

Caul: Cho 3 diém phan biét 4, B,C thoa man 34C+2A4B=0.Tim khang dinh dung.

A.[4B|-35c]. B.[4B|-2[6c|.  c.[4B-3[pc|.  .[4B|-[5C]|.
Loi giai

Chon A

Taco

3AC+24B =0 & 24B =-34C & 4B = — AC & 4B =—( 45 + BC)
& AB+2AB="BC &2 AB=—BC & AB=—2BC

2 2 2 2 5
- [5|=2[5c|

5

Cau2: Goi C latrung diém ctua AB. Tim khang dinh dung.

A CB-Ci B. |78 =[],
C. 4B va AC cung hudng. D. AB va CB nguoc hudng.
Loi giai
Chon C
. / N / e
* 7 > 7 ra
A ' B

Suy ra AB va AC cung hudng.
Cau3: Cho tam giac vuong ABC c6 trong tim G va canh huyén BC=12. Khi d6 vecto tong
GB+GC c6 d6 dai bing bao nhiéu?
A. 243. B. 2. C. 4. D. 8.
Loi giai
Chon C

Goi I 1a trung diém BC.

Ta co: ‘51%56‘:‘267‘:%/11:% BC =4.

1
2

Gido vién c6 nhu cau sé hitu tron b file word Bai giing Todn 9,10,11, 12 c6 1oi gidi chi tiét vui long lién hé zalo Tran
Dinh Cu: 0834 332 133 dé dwgc hé tre toi da . “Trdnh mua cdc trang va cic cd nhin khdc”
Phu huynh va hoc sinh ¢é nhu cau tham gia cdc Iép todn chit lwong Thiy Cw-Xa tic- TP Hué vui long
Inbox face: Tran Pinh Cuw hodc lién hé triee tiép qua SPT:0834 332 133
Page 368



LOP TOAN THAY CU- TP HUE. CHIEU SINH THUONG XUYEN- BO TRO KIEN THUC KIP THOI. SPT: 0834 332 133.
WEB: TOANTHAYCU.COM

Cau4: Cho hinh vuéng ABCD. Tim khéng dinh sai trong cac khing dinh sau:

A. ‘E“ = ‘@‘ B. ZB, Z(T’cfmg hudng.
C. DC = 4B. D. [4B|=[BC]|

Loi giai
Chon B

ZE, Zécﬁng hudng 12 ménh d¢é sai, vi hai vecto ndy c6 gia cit nhau.

Ciu 5:  Goi Al la trung tuyén cia AABC. Tim diém M théa man hé thirc MB +MC +2MA =0.

A. M la trung diém cia CI. B. M ld trung diém ciia BI.
C. M la trung diém cta Al. D. M la trong tam cua AABC.
Loi gidi
Chon C 4
B® 7 °C

Goi 7 1a trung diém cua BC

Ta c6: MB+MC +2MA=0<2MI +2MA=0< Ml + MA=0< M 1a trung diém cta Al.

Ciu 6: Néu G 1a trong tdm cua gidc 4BC thi ding thirc nao dudi day ding?

A. 4G =2(1B + AC). B. 4G =1 (4B +4C).

3 2
C. 4G =1 (4B+4C). D. 4G =2 (4B + AC)

3 2
Loi giai
Chon C

A
G
B° oY} °C

Goi M la trung diém cua BC

Ta co: A—Gz—AM:z.l(Z?+R?):l(E+A—(j).
3 32 3
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Cau7: Goi Gva G' lan luot 13 trong tdm cua tam gidc ABC va tam gidc A'B'C'. Pang thirc nao

dudi day dang?

A. GTP:%(II+§§+TO). B. GG'= AA4'+ BB +CC".

C. GG'=-(dd4"+ BB+ CCY). D. GG'=~(44'+ BE'+CC').
Loi giai

Chon A

Vi G'la trong tim cua tam giac 4'B'C'nén ta co:

GA'+GB'+GC'=3GG'<> GA+ AA'+GB+BB'+GC +CC'=3GG"

@(@+@+G_C’)+AA'+BB'+CC'=3GG'

Mat khac ta ¢c6 G la trong tdm cua tam giac ABC nén GA+GB+GC =0

Viy AA'+ BB'+CC'=3GG" hay GG':%(TA'+ﬁ+@)

Cau 8: Cho tir gidc ABCD. Goi E,F,H lan luot 1a trung diém cua cic doan thang AB,CD, EF . Tim
vecto m+ﬁ_4§+ﬁ_46+]\75, v6i diém M tuy .

A. 4MH . B. 0. C. 4ME. D. 4MF.
Loi giai
Chon A
Ag E B
H
D
F
C

Do E, F lan luot 13 trung diém cua cac doan thang 4B,CD va diém M tuy ¥ ta co:
MA+MB = 2ME
MC+ MD =2MF

_— —— @ — —

Suy ra MA+MB+MC+MD=2(E+W)

Mit khac H 1a trung diém cua cac doan thang EF né ta ciing c6 ME + MF =2MH
Vay MA+ MB + MC + MD = 4AMH

Cau9: Cho tam giac ABC c¢o trong tam G va M, N, P lan luot 1a trung diém cua cac doan théng
BC, CA, AB. Khéng dinh nao sau day la sai?

A. AM +BN+CP=0. B. GM +GN+GP=0. C.GC-2GP=0. D. AG+BG+CG=0.
Loi gidi
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Chon C

B M ¢
+) AM + BN +CP =~ (4B + AC)+~ (BA+ BC )+ (i + CB)
2 2 2

~(4B+4C + BA+ BC+Ci+CB) =0,
+) G trong tim A4BC nén GA+GB+GC =0<-AG-BG—-CG=0< AG+BG+CG =0
+) GA+GB+GC=0< GM + AM +GN + NB+GP+ PC =0

<:>G—A7I+5]\7+513—(A—A/7+§ﬁ+513):6

< GM +GN +GP =0.
+) G latrong tAm AABC nén GC =-2GP < GC+2GP =0.

Cau 10: Trong cac ménh dé sau, ménh dé nao sai?
A. Cho vecto MN, véi diém O tuy y ta luon c6 MN = OM —ON.
B. Hiéu cia hai vecto 1a téng cua vecto thir nhat v6i vecto dbi cua vecto thi hai.
C. Vecto déi cia vecto a #0 1a vecto nguoc hudng voi a vaco cung do dai véi a.

D. Vecto ddi ctia vecto 0 14 vecto 0.

Loi giai
Chgn A
Cho vecto MN véi diém O tuy y ta luon co: MN =ON -OM. (Theo quy téc trir)

Cau 11: Goi G 1a trong tim cia tam giac déu ABC c6 canh bang 3 cm. Tinh do dai cua vecto tong

GB+GC.

A. ‘G—B+@ :¥cm. B. ‘@+R":\/§cm.

C. ‘@+§“:\/§cm. D. ‘@+@‘=¥cm.
Loi giai

Chon C
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-
B H C

Vi G la trong tdm cua tam gidc ABC nén ta co GA+GB+GC=0.
Do dé GB+GC=—GA,suyra ‘GB + GC‘ - ‘—GA‘ - ‘—GA‘ = GA.

Mit khac trong tam gidc déu ABC: AH = AC-sinC =3-sin60° = ——

23\/_ \/5

Suy ra G4 —%AH =
3 3

- R — E— R e — B —

Cau 12: Cho 5 diém M,N,P,Q,R tiy y. Tim vecto u = MN + RN — OP + OR — PN.

— _ — — — _

A. 1u=MR. B. u=MP. C.u=0. D. u=MN.
Loi giai
Chon D

_— = —  —

Tacé u=MN + RN — OP+OR— PN

e e A —

= MN + RN + PO+ QR+ NP
= MN + RN + NP+ PO + OR
0
— MN.
Céu 13: Cho hinh vuéng ABCD c6 canh bang a . Tim d6 dai cia vecto tong AB+AD?
av2
A. 2a. B. av2. C.a. D=~
Loi giai
Chon B
D C
1 B

Ta co: ‘E%—A—D( :‘A—C‘:AC:a\/E,

Céu 14: Cho tam giac ABC ¢6 trong tim G va M 1a trung diém cua BC. Khing dinh nao sau day

dang?

A \WHMZO. B. GB+GC=2GI. C.GA=2GM . D. AB+MC =AM .
Loi gidi

Chon D
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A

B* > *C

Ta co:
\m\+\m\=m+m=m+m>o.

— —_— —— s ———

AB+MC = AM + MB+ MC = AM .
Céu 15: Cho tam giac ABC c¢6 D, E lan luot 13 trung diém cua doan thang 4B va AC. Tim s k, biét

rang BC =kED.
A. 2. B. 2. C. l D. —l.
2 2
Loi giai
Chon A
Tacé: D,E lan luot 1a trung diém cua doan théng AB va AC
nén DE la duong trung binh tam giac ABC
Suy ra BC=-2ED=k=-2.
Ciu 16: Ménh dé nao sau déy la dang?.
A. C6 v6 sb véc to ciing phuong véi moi véc to.
B. C6 duy nhat mot véc to ciing phuong v6i moi véc to.
C. Khong c6 véc to nao cung phuong vdi moi véc to.
D. C6 it nhat hai véc to cing phuong véi moi véc to.
Loi giai
Chon B
Cau 17: Cho hinh binh hanh ABCD tam I . Tim khang dinh dung.
A. AB+ AD = BD. B. AB+IA=BI. C. AB+BD=0. D. AB+CD=0.
Loi giai
Chon D
A C
I
) C
AB+CD=0
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—_ —_— _ _ —_— —_—
K

Cau 18: Cho vec to u = MN + PO+ RN + NP+ QR . Tim khang dinh dung?

A. u=MN. B. u=MO. C.u=MR. D. u = MP.

Loi giai

u=MN+ NP+ PQO+QOR+ RN = MN.

Céau 19: Cho bdn diém 4, B, C, D tuy y. Dang thirc nao sau day dung?

—_— — — —

A. AB+CD= AD + BC. B. AB+CD=AC + BD.

C. AB+CD = DA+ BC. D. AB+CD = AD+CB.
Loi gidi

Chgon D

Ta co:

AB+CD = AD+DB+CB+BD

= AD+CB+DB+BD = AD + CB.

Cau 20: Cho tam gidc ABC vudng tai A, c6 AB = 6cm, AC =8cm . Tim ‘E + R"

A. ‘A—B+R" = 5cm. B. ‘E+R" =14cm.
C. ‘E + fTC‘ = 20cm. D. ‘E + ﬁ‘ =10cm.
Loi giai

Chgon D

B D

¢

A >

* Dung hinh chir nhat ABDC.

*Ta c6: \E +A—C‘ - \ﬂ)\ — AD = BC = AB* + AC* =/6* + 8% =10cm.

Céau 21: Cho AABC c6 trong tim G va M 1a mot diém tiy y. Khing dinh nao sau ddy sai?
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A. AM + BM +CM =3GM. B. GA+GB+GC =3GM.

C. MA+MB+MC =3MG. D. GA+GB+GC =0.
Loi giai

Chon B

Vi AABC c6 trong tim G va M 1a mot diém tuy .
< GA+GB+GC =0.
< MA+MB + MC =3MG.
< AM + BM +CM =3GM.
CAu 22: Cho hinh binh hanh ABCD c6 tam . Khi d6 vecto tdng AB+ AC + AD bing:

A. 241 B. 4A4I. C. 41A. D. 2IA.
Loi giai
Chon B
B,j C
I
A~ D

AB+ AC+AD =3A4G véi G 1a trong thm ABCD

= 3%7] —4A].

R

Cau 23: Goi G la trong tam cua tam giac ABC . Pat a = GA;E = GB. Pang thic nao dudi day 1a

dang?
— - > — a7 — 4- 1= — 2- 1=
A. CA=-2a-b. B. CA=2a+0b. C.CA=—a+-b D.CA=—a—-=b
3 3 3 3
Loi giai
Chon B
A
D E
B = C

Goi D, E va F theo thu ty 1a trung diém cua 4B, AC va BC.

Vi G 1a trong tdm cua tam giac ABC' nén
GA+GB+GC =04 GC=—GA—GB =—a—b.

Ta co: 67'4:0_G'+CT4:—G_(5+(71:5+Z+5:25+Z..
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Céu24: Cho AMNP déu canh bing 5v3 cm. Tim do dai vecto tdng MN + MP.

A. ‘W+W":% cm. B. [MN + MP| =30 cm.
C. ‘W+HI3‘=IOJ§ cm. D. ‘W+Z\7ﬁ‘:15 cm.
Loi giai
Chon D
M
N = P
Goi K 1a trung diém cuia NP.

Khi d6: MN + MP =2MK. Do d6,

MN +MP|=2|MK| = 2MK.
‘ TR , Y3 _15
Vi AMNP déu nén MK ciing 1a dudng cao. Do d6, MK =5 3.? = ?(cm).

Tu do,

MN + Hﬁ‘ =2MK =15(cm).

Ciu 25: Cho AMNP. Tim diém Q théa man QP —ON —OM = 0.
A. QO la mét dinh ctua hinh binh hanh MPNQ. B. Q 1a mét dinh ctia hinh binh hanh MNPQ.
C. O la moét dinh cta hinh binh hanh MPON. D. Q la mgt dinh cia hinh binh hanh MNQP.

Loi giai
Chon A

Goi D 1a trung diém cta MN.
Ta co: Q—P—Q—N—Q—M =0 Q—P: Q—N+Q—M = Q—P: 2@ (vi D 1a trung diém ctia MN).
Do d6, Q d6i ximg v6i P qua D. Viy O 1a mot dinh cua hinh binh hanh MPNQ.
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BAI TAP TU LUAN
Bai 1. Cho tam gidc ABC déu canh a va G 1a trong tim. Goi I 14 trung diém cua AG .
Tinh d0 dai cua cac vecto leé, E, B—f
Hwéng din giii
(Hinh 1.41)Ta ¢6 ‘ﬁ‘ — AB =a

Goi M la trung diém cua BC

. == 2 2 3 > 2, a a3 I
Ta ¢6 ‘AG‘=AG=§AM=§x/AB BMT =T e -8 =0

2 2 B ' C
. M
‘BI‘:BI:x/BM2+M12: @, @ _avll

4 3 6 Hinh 1.41

Bai 2: Cho tam giac ABC déu canh a . Tinh dd dai cta cac vecto sau AB —ZZ?, AB+AC.

Hwéng din giii

(Hinh 1.45)Theo quy téc trir ta co AB-AC=CB= E—Z@‘zBCza C A
Goi A' 1a dinh cua hinh binh hanh ABA'C va O la tdm hinh ninh hanh d6. Khi '
dotaco AB+AC=AA". A

% B

2
/ 3
Tacd AO =~ AB* -OB* = az—% =% Hinh 1.45

Suy ra ‘E+R":AA':2AO:ax/§

Bai 4: Cho hinh vuéng ABCD c6 tam 1a O va canh a. M 1a mot diém bat ky.
a) Tinh ‘E—FO—D‘, ‘E—%%—O_l.)

b) Tinh do dai vecto MA—MB—MC +MD

Hudng dan gidi

(Hinh 1.46)
a)Tacs OD=BO— AB+0D=AB+B0O=40  p .
45+ 0| - a0 - AC 2
2 2
o [0
Taco OC = AO suy ra
D C
Hinh 1.46

AB—0C +0D = AB—AO+0D = OB+ 0D =0
—|AB—0OC +0D|=0

b) Ap dung quy tic trir ta co
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VA~ MB — MC + MD — (VA - MB) ~ (MC — M) = B - DC = B - DC
Lay B' 1a diém d6i xing cua B qua A4
Khi d6 ~DC = AB'=> BA—DC = BA+ AB' = BB’

Suy ra WZ—ME—MCJrMD‘z‘BB" = BB'=2a

Bai 5: Cho hinh thoi ABCD canh ava BCD = 60°. Goi O 1a tim hinh thoi.
Tinh ‘A_lé +E‘, ‘0_1'9 ~pcl.
Hwéng din gii

Ta co ‘E + E‘ = ‘E‘ = 2acos 30" = a\/g,

a3
2

‘@ —D—C" = ‘%‘ = acos60’ =

Bai 6: Cho tam giac ABC .Léy cac diém M,N,P sao cho MB = 3MC , NA + 3NC = 6 PA + PB =

a) Biéu dién céac vecto ﬁ, W, AM theo cic vecto ABvaAC

b) Biéu dién cac vecto MP ,MN theo cac vecto ABvaAC
C6 nhan xét gi vé ba diém M, N, P thang hang?

Hudng dan giai

-— 1-—= 3 3 1-——

MP = 2MN = M, N, P thing hang
Bai 7: Cho tam gidc ABC.Goi L, J 1 hai diém xédc dinh béi IA = 2IB, 3J4 +2JC = 0

a)Tinh 1J theo AB va AC.
b)Pudng thang 1J di qua trong tim G cia tam giac ABC
Huwéng din gidi

a) TJ:—QA_B’J%E

—_— —_— ]_—» — —_—
b) IG = —gAB +§AC’ = 51J = 6IG suy ra IJ di qua trong tdm G cua tam giac ABC.

0

Bai 8. Cho tam giac ABC ¢6 trong tdm G. Goi I 1a diém trén canh BC sao cho 2CT = 3BI va Jla diém

trén BC kéo dai sao cho 5JB =2JC .
a) Hay phan tich ﬂ, AJ theo E va A_C;

b) Hay phan tich AG theo E va If

Huwdng dan gidi
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a) Ta 06:2E = —3@ & ﬁ = gﬁ—i—gﬁ

—_—

573:276@5(E—A_’J):2(R—A_’J)@AJ:§E—§R

b) Goi M 14 trung diém BC, ta c6:

AG=2am=2Lras+ac)=Las+a0).
3 3 2 3
~AG=2a1-Laj
48 16

Bai 9. Cho céac vecto ;:(2;0),172[—1;%],22(4;6).

Tim toa d0 vecto u biét
a) u = 2a —4b + 5¢
b)a —2b +2u =c
Huwéng din gidi

PS: a) u = (28;—28) b)u = (O;Z)

Bai 10. Cho ba diém A(—4;0),B(—5;0) va C(3;—3)
a) Tim toa d§ vecto w=AB—2BC +3CA

b) Tim diém M sao cho MA + MB + MC =0
Huwéng din gidi

DS: a) u(—38;3) by M (—2—1)
Bai 11: Cho ba diém A(3;4), B(2;1), C(—1;—2)
a) Tim toa do trung diém canh BC va toa d6 trong tim cua tam giac ABC
b) Tim toa do diém D sao cho ABCD 1a hinh binh hanh
Hwéng din giai

a) Trung diém BC la I[%;—%], trong tdm cua tam giac ABC 1a G[%;l]

. =0
b) Tir gide ABCD 1a hinh binh hanh < AB = DC < {x | = Do)
y:

WEB: TOANTHAYCU.COM

Bai 12: Trong mit phing toa d6 Ozy cho A(3;4), B(—1,2), I(4;1). Xéc dinh toa d6 cac diém C, D
sao cho tir giac ABCD 1a hinh binh hanh va I 1a trung diém canh CD. Tim toa tim O cua hinh binh hanh

ABCD.

Huwéng dan giai
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Do I(4;—1) 13 trung diém ctia CD nén dat C'(4 —z;—1—y), D(4+ z;—1+y) = CD(2z;2y)
T =2

Tt gidc ABCD 1a hinh binh hanh < CD = BA < { |
y =

Vay C(2-2), D(6:0), 0[%;2]
Bai 13. Cho tam giac ABC c¢6 A(3;1), B(1;—3), dinh C ndm trén Oy va trong tdm G nam trén truc
Oz . Tim toa d6 dinh C

Huwéng din giai
Tur gia thiét ta c6 C(0;y), G (z;0)

T+ +x, =32 T =
A B C G<:)>

G 1a trong tam tam gidc nén {
Ya +Yp + Yo = Yo

Vay C(0;2)
Bai 14: Cho tam giac ABC ¢6 M, N, P lan luot 1a trung diém cua BC, CA, AB. Biét
M(1;1), N(—2;—3), P(2;—1). Tim toa d¢ cac dinh cua tam giac ABC'.
Hwéng din giai
Ta c6 MN(—3;—4), PA(z, —2y, +1), MN = PA= A(—1,—5)
N 1a trung diém AC suy ra C'(—3;—1)
M la trung diém BC suy ra B(5;3)
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