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Chuwong I.

'MENH BE - TAPHOP

§ 1. MENH BE

A. TOM TAT Li THUYET

1. Ménh dé
e Ménhdé la nhing khang dinh ¢ tinh dang (D) hoac sai (S)
@ Mai ménh dé phai hodc (D) hodc (S).
® Mot ménh dé khong thé vira (D), vira (S).
2. Phi dinh ciia mgt ménh dé
e Phu dinh ciia mot ménh dé 4 13 ménh d& ki hiéu A :
A D®)néud(S);
A (S) néu 4 (D).
3. Menh dé kéo theo
e Ménh dé kéo theo 4 => B 1a mot menh dé ch1>(S) khi A4 (D) \¢:¥:) (S)
oB=>AlamenhdedaocuaA=>B :
e Néu A= B (D) thi:
« A la diéu kién DU dé c6 B ;
* B la diéu kién CAN dé co 4.
4. Ménh d@é. tuong duong .
e Ménh dé tuong duong A4 <> B 1a m6t ménh dé (D) néu 4 va B ciing
(D) hodc cung (S).
e Néu A< B (P) thi :
= A=> B la dinh li thuin.
* B= A ladinh Ii déo.
* 4 < B 1a dinh li thuin dao.
= A la diéu kién cin va du dé c6 B.-
* B la diéu kién cin va du dé c6 A.
5. Ménh dé chua blen, ki hi¢u p(x) : .
e Ménh dé chira bién p(x) 1a mot phét biéu c6 lién quan dén mot da1 :
lugng thay déi (thudng la sd) x. :




e Ménh dé chua bién 12 mot ménh dé neu ta cho bién d6 mot gia tri
nhét dinh. '

6. Ménh dé pho bién : Vxe X : p(x) -
e ‘Ménh dé pho bién: Vx €X: p(x) nghia 1a moi dbi tuong x thudc X
- déu 6 tinh p-. : ' o
7. Ménh dé ton tai : _:Jx €X: p(x)
e Ménhdétontai: Ixe X: plx) nghTa 14 c6 mét dbi-tuong x thude X
co t.inh p-. ‘ . o
2 A:VxeX:p(x)#—ﬁ:HxE‘X:m;.
A=3dxe X: p(x)-—->74_ VxeX: ;—(—:) s

8. Phuong phap chirng minh bang phén chung
e Dé chimg minh P dung, ta gia thiét P sai, tir d6 bang, lap ludn toan
hoc ta suy ra mau thuan ~, B

B. CAC DANG TOAN'
Dang 1. BDINH GIA TRI CUA MOT MENH BE

Phwong phap

® Ménh dé : xac dinh gié tri (D) hoic (S) clia ménh dé do
e Ménh dé chira bién : Tim tdp hop D cua cac blen x de p(x) (b) hoac

(S).

Vi s 1. Xac dinh gla tri (D) (S) cuia cac ménh de

1)21a so chén. 2) 2 12 s6 nguyén 3.

°3) 2 1a s6 chinh phuong.

| Gigi .
1) (D). 2) D). ' : : 3) (S):.

Vi du 2. Xéc dinh  gia tri cia cac ménh d& :

1) Moi s6 nguyén chén thi chia hét cho 2

2) Sé nguyén tan cling bang s6 0 hoic s 2 th1 nd chia hét cho 2.

3) Tt gi4c c6 hai canh d6i khong song song va khong bang nhau
© thi khong phal la mét hinh binh hanh.

: ; B Giai v
1 (D). - 2)(®).




3) (S) Chi cin hai canh d6i khong song song hoac khong bing nhau -
thi né khéng phai 14 hinh binh hanh. o

Vi du 3. Diéu chinh ki h1¢u v, 3 dé duogc ménh dé ding.
) VxeR:2x+3=0. :
2) VxeR;x*-3=0.
3) VxeN:xX 41 lasdle.
‘ Gidi ; -
1) 3xeR:2x+3=0. 2) IxeR:x*—3=0.
3)IxeN:x*+1 18 R
Vi du 4. Tim xED dé du’oc ménh de ding.

I)x —4x+3= 0. 2) Jx+1 +\/ 1>0.

3) X’ —x+1=0.
Gidi |
DD={:3}. 2 D=[l;+c). 3} D=o.
Dang 2. PHAT BIEU BINH Li DUGT DANG BIEU KIEN CAN, BU

Phuong phap

o Néu A= B(D) : 4 ladiéukién didécoB;
Néu B = A(S) : Bla diéu kién can dé c6 4.
(Khong duoc phat bidu dinh 1i dao, diéu klen cén va du).

° Neu A= B(D) va B= 4 (D) A (hoac B) la dleu kién cin va du dp
6 B (hoédc A). ! :

Vidu 1. Xét ménh dé : “Hai tam giac bang nhau thi dlen tich ctia chung
ciing bang nhau”. Hay phat bidu diéu klen can, diéu kién du
dinh li do, diu kién can va du.

Giai

1) Piéu kién cn : Hai tam gidc c6 dién tlch bang nhau 1a diéu kién
can dé hai tam giac d6 biang nhau.

2) Piéu kién di : Hai tam giac bing nhau 1a diéu klen da dé hai tam
giac d6 c6 dién tich bang nhau. _ _

3) Dinhli dao : Khéng c6. S



-

4) Piéu kién cin va du : Khong c6.

Vi 4 =B (diph li) va B=>A : sai. Hai tam gidc.c6 dién tich bing
nhau chua chac da bang nhau. o ‘
Vi du 2. Cx‘mg cdu hoi & Vi du 1 véi ménh dé : “Phuong trinh bac hai |

' ax’ +bx+c=0 CénghiémthiA::bz——4a020”. -
| . Gidi |

1) Didu kién cin : A =b>—4ac>0 la didu kién can dé phuong trinh
béc hai ax® +bx+c =0 cé nghiém.

2) Piéu kién du : Phuong trinh bic hai ax? +bx+c =0 cb nglnem la
diéu kién du dé A =5>—4ac>0.

3) Dinh li ddo :'Néu A=5b>—4ac>0 thi phuong trinh bac hai

ax’ +bx+c=0 co nghiém.
4) Piéu kién can va du

e Phuong trinh bic hai ax® + bx +c=0 co6 nghiém la didu kién can
vadidé A=b'—4ac>0. v |

e A=>b>—4dac>0 la diéu kién cin va du dé phuong trinh bau hai
ax® +bx+c =0 cé nghiém. ‘

Dang 3. PHU DINH MENH DE

Phwong phap

l)OA/\B<:>A\/B
e AV B < ANB.
2)eVxeD:p(x) e IxeD: plx);
‘eEIxED:p(x)@‘v’xeD:mf.

Vidu 1. Phu dmh cac menh dé
" A : n chia hét cho 2 va cho 3 thi né chia hét cho 6.
B : AABC vubng can tai 4.

C: 2 lasd thuc.
' | Gidgi

‘n khéng chia hét cho 2 hoac khong chla hét cho 3 th1 noé khong
chia het cho 6. :



B : AABC khdng vudng cén tal A @AAB(‘ khong vudng tax A
: hoac khong can tai 4.

C:V2cReV2¢R..
Vi du 2. Phu dinh cdc ménh dé va cho biét tmh (b), (S).
A VxeR X +1>0;
CB:IxeR: X +X+x+1=0;
C:VANVB:ANBC A.
| - Gidi

c3xeR:x*+1<0 (S).
CVx€ER: X +x* +x+1=0 (S). |
VANVB:ANBCA&®VxedNB=x€4 (D):
cdxeANB=x¢ A (S).

OO @l ol

Dang 4. PHUONG PHAP CHUNG MINH BANG PHAN CHUNG

Phuong phap

Dé chimg minh 4 (D), ta gia thiét A= B = C.
- Néu C () ta dung phép chimg minh va két luan 4 (D).

Vidy 1. Chang minh “n’ chin = n chin”.
| Gidi
A n chén.
A: nle =>n—2p+1(p€N)$n =4p> +4p+1
=n’ —2(2p +2p)+1=n ——2/x+l(k-2p +2p)

= n? 1& (tri gia thiét).
Vay n chan. ’
. , . : M . a b »
Vidu 2. Ching minhring: Va,b>0: -]; +—=>2.
. . . a -

‘Gidi

 Giasir %+2<'2:>a2 +5* < 2ab=(a—b) <0 (Sai).
- a . .



Vay :

Vi du 3.

Gia

Viy

Bai 1.

4 b vabso
b«

Ching minh ACB= ANB=4.
Giéi
sur AOB::A:>316A va xg{(AﬁB) | .
 =>x€4 va(ngAhayngB)
=xed va(x¢Z A hay x¢ A) (do AC B)

=x€A va x¢ A :miu thuﬁn.
ANB=A. '

C. Bi\l TAP
‘Cho biét tinh (D), (S) cua cac menh dé sau. Hay tim ménh dé phu

dinh cua chung
1) IxeZ : 6x° ~—13x+6::0;

2) VxeR 1 x*>1;

s {aszrbx—t—c::O

) VxeN,JveN: y=x+1;
4y VreRWeR : Z+LX>2;
yoox
5) Va,b,éER_lllfla;i'bT.C:O :’~ﬁ;ﬁi:j—i:.ab+lyc+ca.

s

" Cho biét tinh (D); (S) ctia.cac ménh dé sau. Hay sura lai cho ding :

1) AABC déu < Tam giic c6 it nhit mét goc bang 60
co6 nghiém kép‘ & A=b"—4dac=0.
a=0
3) AABC cantai 4 < Hai dudng cao b’lz va CF bang nhau
a>b

4) Va.b,c€R : { ea>c

b>c

: a:3 )
Sy Va,beZ :{ . & ab:6.
b:2

Bai 3.

Phat biéu “diéu kién can” céac ménh dé :

1) Hai goc d6i dinh thi bang nhau.

2) Hai tam gidc co hai cip canh bang nhau kém uua maot cdp goc
bang nhau thi bing nhau. :



Bai 4.

- Bai 5.

Bai 6.

Bai 7.

Bai 8.

Chimng minh :

'3) Hai tam giac co hai cép goc bang nhau thi bang nhau.
4) Mot b chia hét cho 3 khi va chi khi tong cac chu sb chia hét

cho 3.
Sy Va,beR : a > b & c12>b2.

Hay stra lai, néu can, dé duoc dinh i :

1) Hai s6 thuc a > b 1a diéu kiw can dé a* > b*.
) a9 ladidukiendudé a3,

3) n chan la diéu kién can va-da dé n’ chin. .
. v g A . A A 2 . 4 1A
4) ac<0 la diéu kién can dé ax’ +bx+c¢ =0 (a=0) co nghiém.

5) ac > 0ladiéu kién di dé ax® +bx+c=0 co nghiém

ax® + b)t +c¢=0co nghlem

Xétménh dé A:"ac < 0 =
| (a=0).

Tim ménh dé :

1) Phu dinh cta A.

2) Tuong duong voi 4.

3) Ménh dé déo cta A.

Flong ba ménh dé do, ménh dé nao la dinh 11 ?

Tim ménh dc phu dinh cua cdc ménh de sau va Cho blet tinh dung,

sal :
1) VaE R,VbER:’(a—f—b)z =a*—2ab+b*.

2) V/cr‘ER,VbER:czz+2>b2+1.
3) JaeR,IbeRa+b>1.
4y JgeR.VbeR:a’ <b. , o

S)VaeR.FbeR:a* =b+1.

Cung cau hoéi véi Bai 6.

1) ymeR: Phuong trinh x~ ~2(m+2)r+4m ~—O co nghiém.
2) Vnz € R: Hai phuo*ng trinh sau co nghlem (,hung
x* +x—t—m-0 - (1)
A mx+1=0. o (2)
3) V(l,bER:azéab+b2>O. '

x| <1

Iy <1

:>|A+y|<]l+xy|



.
Bai 9.

Chl’l'ngminh ring Va‘>0:\[c;+\/a4~2 <2\'/a+1.‘ .

 Bai 10. Néu ac > 2(b+d) thi it nhat mot phuong trinh sau c6 nghiém :

Bai 1.

X’ +ax+b=0; | (1)
X ex+d=0. - ()
LO1GIAL
| 2.__4 _ |1x=2/3
1) 6x*—13x+6=0« (S).
. [x=3/2v

Phu dinh :Vx€Z:6x>—13x+6=0 (D).

2) VxER:x*>1(S),vidux=0. Phidinh: IxeR:x* <1 (D).
3))vxeN,JyeN:y=x+1 (D).

Phudinh: 3xeN,VyeN:y=x+1 (S).

4HVxeRWER : Z+2>2(S),vidux=3,y=—2.
y X -

Phit dinh : 3xeR,IyeR : —’i+l<’2 ®).

 5) P®)vi0=(a+b+c) =a*+b*+c *+2(ab+bc+ca), suy ra

‘.
Bai 2.

Bat 3.

10

al+b' +c

ab+bc+ca:— 5

a’ +b* +c

Phi dinh : 3a,b, ¢ €R: == ——= ab+bc+ca (S).

‘Cac ménh dé dang 4 < B.

1) A= B (P).
B= A (S). Vay (1) lasai.

Stra lai : A4ABC déu = AABC c6 it nhit mot gbc 60°.

2) A= B (P); B= 4 (P). Viy 4 < B (D).

3) A= B (b); B=4 (P).Vay 4< B (D).

4) A= B (D); B= A4 (5). Vdy A= B.

5) A= B (D); B=4 (P). Viy A< B.

1) Hai géc bang nhau 13 didu kxen can dé chung la hal goc dbi
dinh. * '

" 2) Hai tam gi4c bang nhau la didu kién cin dé chiing c6 hai cap

canh bang nhau kém gitra mot cap g6c bang nhau.



' Bai 4.

Bai 5.

3) Hai tam giac c6 hai cidp goc bing nhau 14 hai tam giac bing
nhau : Sai, nén khong phai dinh li.

4) Mot s6 chia hét cho 3 1a dxeu kién cin d(, tdng cac c,hu s6 chia
hét cho 3 hoac mot s6 ¢o tong cac chit s6 chia hét cho 3 14 diéu
kién can dé n6 chia hét cho 3.

5) a® > b* 1a diéu kién can dé a > b (v1 a* > b’ => a>bla sal)

, a=-5<b=3=a’ —25>b =9,

1) a> b la didu kién do dé o> >b*.
2) bing, vi a:9=a:3.

3‘)' Pling, vi n?chafl =n’ chz}n

n- chan = n chan.

4) ax® +bx+c= 0 c6 nghiém« A =ph’ - dac>0. Dung, néu
ac<0. Vay ac<0 la didu kién cin va du _dé phuong trinh
ax’ +bx+c=0 (a=0) c6 nghiém.

5) ac>0=A=5b*—4ac cb thé duong va ¢6 thé Am nén khong

két luan duoc sd nghiém cua phuong trinh. Cau 5) sai : khong

phai dinh 1i.

1) Phu dinh ; IS Be AvEe AN,
ac<0 va ‘ax2+bx+c—~0 (a=0) vd nghiém (S)

- 2)Tuongduong A=B& B=A.

Bai 6.

Bai 7.

ax’ +bx+c¢=0(a=0) vonghiém = a.c>0 (D).
3) Ménh dé dao : B '
ax’ +bx+c=0(a=0) conghiém = a.c>0 (D).
Chi ¢6 cau 2) va 3) ladinh li.
1) Ja.beR:(a+b) =da* —2ab+b* (D).
2) Ja,beR:a* +2<b* +1 (D). |
3) Va, bER'd+b<l(S)
4y JaeR,VbeR:a* <b la sai, v1 du voi a=0 va b—-—l,ta

o at=0<—1=b (S).

Phudmh.-VaER,EbER:aZZb(D). | ,
5) VacR,3beR:a* =b+1 la ding, vi ham s y=x’—1 c6

* tap x4c dinh R. Phu dinh : 3a eERVbeR:a> =b+1(S).

1) A =(m+2) —4m=m*+4>0 ¥m.Ménh dé 1) 1 ding.



Phii dinh : 3m e R :x* —2(m +2)x +4m = 0 vd nghiém (S).

2) Sai vi m =0 thi (1) c6 nghiém la 0 va — 1 ; (2) v6 nghiém.

Phii dinh : ImeR dé ha1 phuong trinh c6 nghlem chung, dé la
m=-2 (b). _ :

, 2 2 ' 2 2

'3)a —ab+ b =a’ —ab+i+§—f~1~=[ b] +%>0‘v’ab

Ping. Phii dmh. Ja,beR:a’* —ab+b*> <0 (S). |

BaiB. Gidsi: [r+y|2)l+0]=x +)7 + 20 > 1451 + 20
| = 0-2)(1-y) <0

{1;)&50 {llel

= 1—y220:> bi<t
1-x*>0 Ix <1
{1—.y2s0. l{lylzl..
(Sai : trai gia thlet)
vay:  [x+yl< |1+xy| (|x|<1 Iy <1).

Baio. Giast:Va+va+2>2Ja+1 (a>0)
:>a+a+2+2\/a(a+2).24(a+1)
=Jala+2)>a+1>0 (do a>0)

. =a’+2a>a>+2a+1 (S).
Viy : \/E_—{—\/a—i-Z <2Ja+1 ‘(‘a>0)’.

Bai 10. Gia sircd hai phuong trinh déu v nghiém, ta ¢6 :
A =a>—4b<0
A,=c*-4d <0 |
| c=a’+c? <2ac (do 2(b+d)<ac)
’ =(a—e)’ <0 (sai).
Vay it nhat mét trong hai phuong trinh da cho phai c6 nghiém.

=at+ct<4(b+d)

D. BAI TAP TU LUYEN

Bai 1. Cho biét tinh déng (D), sai (S). Hay tim ménh d& phi dinh :
1) reN: -2 +5x+7=0.

12



Bai 2.

Bai 3.

Bai 4.

Bai 5.

4)

) VxeR: x*>0.

) vxeR,IyeR: y:vxz-l—l.v.

4) IxeR,VyeR : y=x".

SYVxeR,VyeR: X’ +y'>xy+xt.
a - b ’

6) HaER.EbER D —+—=0.
b a

“Cho biét tinh ding (D), sai ($). Hay sira lal cho dung :

1) ABCD la 4 dinh theo thir ty tao thanh mot hinh binh hanh khi

va chi khi AB+CD O

b
){b> “Sa=>b.

3) AM la tia phan gidc ctia goc BAC cia AABC. khi va chi khi
/\/’B AB ‘

MC AC
{a chin

& a+b lé.

5).G la‘trong tdm clia AABC & 52+5§—|—55 _y;

Phat biéu “diéu kién d0” cadc ménh dé -

1) Hai goc co hai cdp canh vudng goc nhau ting déi mot thi
ching bang nhau hogc bu nhau.

2) Trong mét hinh thoi, hai duong chéo vudng goc nhdu

3) AABC vudng tai A & AB* + AC* = BC*.

4) AABC= ADEF = dt(ABC) = dt(DEF).
S)a=2b+1=alasblé Va,bcZ.

6) a = bs(b) < phép chia a cho b khong c6'sb du.

Xét ménh dé4:
“Ja € Riaf () <0= f(x)-nax +bx +c = 0(a = 0) c6 nghiém”
T1m ménh dé phu dmh va tuong dum1g cua 4.

Ching minh trong ba phuorng trinh sau thi it nhat mot phuong
trinh co nghlem :

~ax? +2bx+c=0; _
bx*+2cx+a=0; {(a,b,c=0)
- ex? +2ax+b=0. '

13 -



Bai 1.

Bai 2.

- -Bai 3.

HUONG DAN - BAP SO
]f x=-1¢N

g

2)(S): x=0.
3) (D) vi tap xac dinh D=R.

1) Nghlem (S)

- 4)(S):chony= —1 =x*.

5) (S) : Chon x=-1;y=-2=x"4+)'=-9>—-6 =x’y+x)?
la sai. : ‘ ‘
b a’ + b’ la=b=0

6 2= 0 v6 nghiem) . Sai.
) +a ab ab = 0. (vO nghi¢ )‘ ,
1) (D).
2) (P).

3)(S). Sura lai :

— B AB
AM la tia phan giac trong cua BAC@—[-‘—/[—— =——

MC AC

— B
AM a tia phan giac ngodi cua BAC¢:> MB = +—1-4——.

MC AC

|« chan
) b 1¢
Déo lailasai,viduvdi a=1,b=2tacéa+b=2318¢, suylaale,
b chan.
5) (D).
A= B (D): A ladiéu kién du dé c6 B.
1) Hai goc ¢6 hai cap canh vudng goc tirng doi mot 1a diéu kién du

dé chung bang hoac bl nhau.
2) Hinh thoi 13 diéu kién du dé hai duong chéo vudng gc’)c‘nhau.

3) AABC vudng tai A 1a didu kién du dé 4B* -+ AC? = BC? hoic
AB’ + AC? = BC? 1a didu kién du dé AABC vuong tai 4.

4) AABC = ADEF 1a didu kién du dé dién tich ciia chung bang
nhau.

SyVia,beZ néna la sb Ié, suyra a =2b—1 nén -m¢nh dé dao
cia (5) 1 sai. Vay a = 2b+1 1a didu kién du dé o 1a sb 1&.

6) a=bs(b) la diéu kién di dé-phép chia a cho b khong c6 s6 du.

=a+b lék (b).



Hoic a chia cho b khong ¢6 s6 du 1a diéu kién dt dé a = bs(b).

Baid. A:JacR:af(a)<0 vafix)=0 vdnghiém.

BesA: f(x)=

Bai5. Phép phan ching va bat ding thirc Co-si.

§ 2. TAPHOP

A. TOM TAT Li THUYET

0 vb nghiém = Ja € R:af () > 0.

1. T4p hop - Phin tir
@ Tép hop, phan tir k nhimg khal niém co ban cta toan hoc.
e Cac dbi tuong c6 chung mot hay nhiéu tinh chit quy tu lai thanh mot
, tap hop ; mdi dbi twong 1a mot phan tur.
@ Mot tap hop dugc xac dinh béi

e  =Phéplidtke:

A={a;a,}a,;...}.
= Phép néu tinh dac trung : 4= {x €EX }p(x)}.
2. Tap hop rong

~ e Tap rong ki hiéu @, néu tap hop do6 khong c6 phan tlr N0 ca.

3. Tap hop con

A= dx x€ A4

ACB & VxeA=x€B
AZ B 3Ixe A= x¢B

4. Tap hop bang nhau \

A=B & ACBvAaBCA

A=B & (Vx,x€ A< x€B)"

5. Giao ciia hai tap hop

ANB={x/xe AvaxeB}
VxeANB< xeAvaxeB

(1)

(2)

&)

)
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6. Hop ciia hai tap hop

AUB={x/x€ A hoac x€ B} 5)
VxeAUB<& xe A hoac x€ B '
7. Hi¢u ctia hai tap hop
__— A\B:{x/xGA""’vél xéB} 6)
VxeA\B&xeAdvaxg B

B. CAC DANG TOAN
Dang 1. XAC BINH TAP HOP

Phuong phap

= Phép lietké: 4= {a, 7 e N }

= Phép néu tinh dic trung : A= {x eX [p(x)}.

Vidu 1 . Tim tap th'bcéc s6 tu"11llién chﬁn‘, khac 0 va nhé hon 10.
, Gidi
A={2:4,68}; 4={xeN/x=bs(2) vax<10}.

Vidu 2. Tim tap hop cac 11g1;iéln.<;ﬁa phuong trinh :
v x(x=D(x=2)(x*~1)=0.

| Gidi “
A={0:-1:1;2} ;s A= {xeZ/x(x+1(¥ —3x+2)=0}.
\)i du 3. Viét tap h(_)'p A=1{2:3} theo cach néu ra tinh chét dic trung.
B Gidi | o
A={xeN/l<x<4}; A:{keN/2§x§3};
A={x€N/G-2(x-3)=0}; A={reN/x¥’—5x+6=0}.

16



Dang 2. TAP HOP CON » | S -

Phuong phap

ACB & Yx€d = xcB;
AZB & Ixed =>x¢B.

Vidu 1. Chohaitphop: A= {xEZ/ﬁ—sz —x+2=0};
- B={xeZ/x -3x+2=0}.
Hay dat ddu C, ¢ gitta 4 va B.

- Gidi
A:{~ ;1:2},B={1;2}=4¢B va BCA.

Vi du 2. Cho A={x/x(x—1)(x—2)=0}. Hay tim céac tap hop con cua ;
A va tap con do c6 chira phan tir 0.

Gml

A= {O l; 2} 6.2’ =8 tap horp con cua 4 la
{0} .40, {2}, {0;1},{0;2}, {1:2},{0:1;2}=4 va @.
Céc tap hop conco chrasb 0 1a: {0}, {0; 1}, {0: 2} {01 2}.

Dang 3. TAP HOP BANG NHAU

Phuwong phap

A=B & ACBva BCA :
A=B & A¢ B hodc BgZA

Vidu 1. Hai tap hop : A= {er/x o —x42= o}
B={xeZ/x’-3x+2= 0}
c6 bang nhau khéng ?

Gidi
A=B vi —1€ 4 = —1¢ B nén A(ZB. |

Vidu 2. A :Taphop cac hbc' sinh lc’)‘p 10 (sT s). ‘
B : Tap hop céac hoe sinh ctia 16p 10 ¢6 di hoc (hién dién).

'2- CDT&PPGDAISO10 ’ : 17



C: Tap hop céc hoc smh cua lop 10 vang mat. .
Hay dat diu =,= thich hop, néu :

1) Hoc sinh khong ving mit.

2) C6 1 hoc sinh vang mat.

Gidi
1) Hoc sinh khong vrfmg inzflt. |
C=0
|4 =B.
'2) C6 1 hoc sinh vang mit.
‘ C=0
| 4= B.

Vidu 3. ,Chovba tap hop : A:{xéR*/—‘2§x§3};

B_—:{xER*/xz—x——6<O};

C:[xeR*/(3x—x“)(~—2vx—x") >O}.
V3x—x°

Hay dat quan hé =, giira cac tdp 4,B,C.

Gidi
Taco: A=[-2:0)U(0:3] ; B=(-2;0)U(0;3) ;
(3x—x)(=2x—x*)>0
3x—x>0
Dodé: C={-2;0)u(0;3).
Vay: A=B:B=C;C=A.

J0<x<3
—2<x<0.

3x—x° >0

| \Xétté\pC:[

~2x~xi>0

Dang 4. CAC PHEP TOAN : GIAO, HOP, HIEU

Phuong phap

e Liétké 4, 5. :

e ANB: L'ly cac phan tu glong nhau (chung).
AUB: Liy tit ca cac phan t cua 4, cua B, va cia AN B (chung).
Cha y. Chi ghi 1 14n c4c phén tir gidng nhau 4 :
A\ B Liy phan torcia A4 va khong phaicua 5. -
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Vidu 1. Cho haitdp hop : 4 = {xeR/x2—4,\+3 0}‘
B={xeR/x*-3x+2=0}.
Tlnh AﬂB AUB,A\B,B\A.

Gidgi

A={1:3}, B={1:2}, 4nB={}, AUB={1;2;3},

“— AvB={3}, B\4={2}.

Vidu 2. Cho hai tdp hop : A:{xER/xz—?)x‘—HZgO};
B={xeR/x*—4x+3<0}.
’ Tinh ANB,AUB,A\B,B\A.

Gidi
A=[1;2], B=[1;3], . ANB=[1;2],
AUB=[1,3], A\B=a, B\A=(2;3].

Vi du 3. Cho hai tiphop: N, = {xeN*/t 1a s6iié}"‘
N, -{xEN /xldsoclnn}
Tinh N, ﬂN,,N UNMN*\N,,N*\N

: : Gidi
Ny={1;3;5:7;..}CN*, N,={2:4:,6:8
NN, =2, | N, UN, =N*,
NFAN, =N, N*\N, =N, .

C. BAITAP

Bai 1. Chohaitdphop: 4= {\”EZ/X —6r—|—8<0}
B={xeZ/x*—8x+15<0}.
Tinh ANB,AUB,A\B,B\ A.

Bai2. Chohaitaphop: A={x€Z/x* +3x+2=0};
Bz{xéZ/—-xZJer_—IZ:O}
Tinh ANB,AUB,A\B,B\A.
Bai3. Chohaitaphop: A={rxeZ/x'—5x>+4=0};

!

.} CN*,

19



B={xeZ/-x*-3x*+4=0}.

- Tinh ANB, AUB, A\B, B\A

Bal 4.

Bai 5.

Chobataphqp A= {xEZ/x 2};
- B={x€Z/x}3};
.Cz.{xEZ./x.6}.

“Tim quan hé gii’ra ANB va C.
Cho'batgphop: £ = {er/x(x»—l)(x ~4)=0};

A={xeN/x(x’-1)=0};
. B—{xEN/x(x —4)-0}.
1) Tim E\A, E\B, E\(A4NB).
2) Chimg minh : E\(4NB)=(E\4) U (E\B).

' Cho bataphop: A= {xez/x*-5x*+4= 0};

- B={xeZ/x(¥*-4x+3)= 0};
S C= {xGZ/x(x ~5x+6)= }

: ~"1)Tmh AnB AAC, BUC.

L
Bai 7.
-
Bai B.
o -
Bai 9.

Bai 10.

2) Chimg minh : 4N(BUC) = (AnB) u(Anc)

.Chungmmh AﬂB Q=>A\B A . .
'ChoACE B C E. Ching minh ACB=>(E\B)C(E\A).

Chung minh : (A\B)N(4NB) .= 4.
Cho hai tdp hop : 4 ={gc€N/—-2 <x<3} ;. |
' B={xeZ/-2<x<3}.
' —le X

" Timtip X thda céc tinhchdt: {X C B

20
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A={2;3;4}, B :{3;4;5} , ANB={3:4}, AUB={2;3;4;5)
A\B={2}, B\4={5}.



. Bai 2.

‘Bai 3.

Bai 5.

Bai 6.

Bai 7.

..
Bai 8.

Bai 9.

A={-L-2}, B={1:2}, 4nB=2, 4UB={-1;-2:1:2},

A\B=A, B\A=B5.

A={-L1;-2;2}, B={-Ll}, AnB=B, AUB=4,

ANB={-2;2}, B\4=0

e VxeANB=x€AVvaxeEB=x:2 véx53=>x§6:;}x€C.

Viy : »  ANB c C. . (1)
o VxeC=x'6=x'2vaix:3=>xcAvaxeB=>x€ANB.
Vay :  CC ANB. )
Tu(l),(2): =~  ANB=C.

E={-2;-1,0;1;2}, 4={0;1}CE, B= {oz}cE
) ENA= {—2;-1;2},E\B={-2;~1;1},
EN(ANB)={-2;-1;1;2}.

2) (E\A)U(E\B):{—.2,—-1,1,2}.
Vay : ENANB)=(ENAU(E\B).
A={-2;=1:1;2}, B={0;1;3}, C={0;2;3}.
) anB={1},4nC={2}, BUC= {0:1:2;3} .
2)Am(BUAC)-—{l,Z},(AﬂB)U(AnC {1;2}.
vay:  An(BUC)=(4nB)U(4NC).
GlasuArA\B:>3x€A va x¢Z (A\B)

=x€4 va (x¢ A4 hay x € B)

=(x€Avaxg A) hay (x€ AvaxeB)

méuthudn
: = Xx€ANB =0 (sai).
Vay: A\B=4.
Vxc€(E\B) = x€Evax¢B=>xcEvaixed (do ACB)
=xe€E\A. ’
Vay : (E\B)C(E\A).

: Ax(A\B)ﬂ(AﬂB)éxé(A\B) N (4NB) va x¢ A

=(x€A\B vaxeANB) vax¢g A
=(xeAvax¢g Bvaxc AvixeB) va x¢ 4
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= (X€EAVA XED)VaxEg A=>XxED (sai).
Viy : A=(4\B)N(4NB).
Bai 10. 4={0;1;2}, B={-1;0:1;2;3}, ANB={0:1;2}=4.
- ' [-1ex
ACXCB.

Yéu ciu dé bai trd thanh tim X thoa :

X =1{-1;0;1;2
Viy : 1 { }

X ={-1,0;1;2;3} = B.

D. BAI TAP TU LUYEN

‘Bai 1. A: Tap hop cac tam giac can ; B: Tép hop cac tam giac vudng.

Tim ANB.

Bai2. Chobatiphop:d={xeR/2x*-3x+1=0};
B:‘{xeR/—xZ—x-i-?__:O};
C={xeR/x*=3x+2=0}.

1) Hay dat ddu C,¢,=,== thich hop gitta 4,B,C.
2) Tinh ANB, BNC, CNA, ANBNC. ‘
3)Tinh AUBUC. -

Bai 3. Cho haitdp hop: 4=[-2;3)\{0}, B=[-3;1]. Tinh:

- ANB, AUB, A\B, B\ A.

Bai4. Ching minh (AﬂB)C(AUB)
Bai 5. Cho vi du kiém tra déing thite A\(BﬂC)-(A\B)UiA\C)

BaiG. Cho tdp hgp 4= {xeN/x(x ~(x? 2)(x —4)= O} Tim tat
cd cac tdp hop con clia A.

Bai7. Cho 4,B I hai tip hop tily . Chimg minh (4\B)N(B\4) = o
HUGNG DAN - DAP SO

Bai 1. AN B: Tép hop cac tam giae vudng cén.
Bai2. 1) A¢B ,B¢C,C¢A, A=B=C.
: 2) ANB = BNC = CNA = ANBNC = {1},
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Bai 3.

Bai 6.

Bai 7.

Bai 1.

R
Bai 2.

| AUBVUC:{—Z;%;IQ}.

AnB=[-2:1\{0}, 4UB =[-3;3), B\ 4 =[-3;-2)u{0},
A\B=(133), |

Dung dinh nghia.

Liy ba tap hop : 4={0:1;2; 3} B= {1245} C= {1346}

taco:

A\(BNC) = {0;2;3}
(A\B)U(A\C) = {0;2;3}
A= {0 l; 2} C08tap con cua A. Luu y ¢co 2 tap con dédc blet la
D va 4. :

= A\(Bmc)-:(A\B)u(A\C)n

Dung phan chiing :
Gia su (4\B)ﬂ(B\A)¢®:>3xE(A\B)ﬂ(B\A) > XED.
Sai.

0N TAP CHUDONG I

A. BAI TAP TONG HOP.

Stra la1 cho dung
1) S& a chia hét cho 9 1a diéu kién cAn dé né chia hét cho 3.

- 2) S6 a chia hét cho 3 12 diéu kién du dé né chia hét cho 9.

3) Sé a chia hét cho 9 1a diéu kién cén va du dé n6 chia hét cho 3.
4) SO a chia hét cho 3 1a dieu kién can va du d€ no chia hét cho 9.
5) SO a khong chia hét cho 3 thi né khdong chia hét cho 9.

Ménh d2 nao sau day phat biéu dugc bing diéu kién can vada ?

1) VneN: n &= n® 6.

) Va,beR:0<a<b=+Ja<-b.
3) Va,beR:a=b=lal=bl.

4) Va,beR:Vab=ab.

5)VxeR:x lasévoti = x? 1asb hitu ti.

Phu dinh cac ménh de sau va cho biét gia tri dung, sai :
1) VxeR,VyeR: xt =yt



Bai 4.

Bai 5.

Bai 6.

Bai 9.

~Ching minh : Vx &

2) reR,IyeR: x> y.
3) vxeR,JyeR: X =y.
4) IxeR,VyeR: x¥*=y.
Tim ménh' dé tuong dwong véi ménh dé : “Hinh binh hanh 14 t&

giac €0 hai du‘(‘mg chéo giao nhau tai trung di€ém moi duong”.

0_

w] I+sinx _ cosx
cosx  l—sinx’
Cho ba tap hop 4=(-2;0)U(0;2), B=(=3;1)\{0}, C=(-1,3).

Tim: A\B, B\C,C\ A4, AUBUC,
ANB, BNC,CNA4, ANBNC.

Chung minh rang V4, B,C : A\(BﬂC)Z(A\B)U(A\C
ACB
BcCC

Chung minh : =ACC.

Chimg minh : (4\B)U(B\4) =(4UBN\(4NB).

Bai 10. Chohaltaphop A= {er/x(x —3x+2)= O}'

..
Bai 1.

‘Bai 2.

Bai 3.

Bai 4.
Bai 5.

B={xeZ/x'—5x +4=0}.
Tim tap X c6 3 phan tir khong am thoa (4NB)C X c(4UB).

HUOGNG DAN - DAP SO

a:9=a:3 (P); a:3=a:9 (S).

1) Piéu kién du.

2) bicu kién can.
3), 4) Khong cé diéu kién can va du..

5) b. : .

1) Duoc 2) Pugec.  3)Khoéng.  4) Sai.
5) Khong. : L
1) Sai 2) bung. - 3) bung. - 4) Sai.

Ta giac c6 hai du'(‘mg chéo khong giao nhau tai trung diém mdi
dudng thi né khong phai la hinh binh hanh.

.- L, . X 1A s 2 2
Dung phéan chimg dan dén sin” x+cos” x=1.



e
Bai BG.

. Bai7.

AﬂB:(wz;l).\{O}, BnC =(-1)\{o0},

cnd=(-L2)\{0o},  4nBnC=(-L1)\{0},
A\B=[1;2), B\C=(-3-1],
C\a=[23)uiol, AUBUC=(-3;3).
Dung dmh nghia.

VxE A =A\(BNC)=x€ A va ngBﬂC
=x€A va(xQBhany'C)
:>(x€A vixg€B)hay(xe A4 vaxgC)
= x€ A\B hay x€ A\C
= xc(4A\B)U(A\C) =77 .

Vay:.#C B,

A
- Bai 8.
2 -
Bai 9.

Bai 10.

Cau 1.

Cau 2.

Vxeﬂ——-(A\B)U(A\C):»xE(A\B) hay x€(4\C)
= (xe A vax¢g B) hay (x€ 4 va x¢gC)
=>x€A4 va (x¢ B hay x¢ C)
=xcAdvax¢gBnNC
o = xe ANBNC)=.7.
Vay: B C.b. ‘ |
Tom lai : A=R.

'Dung dinh nghia. Lam tuong ty nhu Bai 7.

Dung dinh nghia. Lam tuong ty nhu Bai 7.
Yéu ciu bai todn suy ra : {1;2}cxc{-2;-1 :0:1;2} . Vi
x>0 nén X ={1;2;0}. ‘ ‘

B. CAU HO!I TRAC NGHIEM

© Xét ménh dé& X : “2 1a sb 1¢”. Ménh dé nao 1a ménh d& phu dinh

cua X. L
A)2la so nguyén tb. B) 2 1a s0 chan.
O)2la s6 chinh phuong. D) 21as6 vo ti.
Ménh dé ’nao sau day la sai :

A)2la so chén. B) 214sb nguyén to

~C) 2 1a 56 chinh phuomg. D) 2 14 udc sb cua s6 4.



Cau 3.

CauS.

Cau 6.

Cau 7.
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Ménh dé nao sau day la sai :
A) Mot sb chia hét cho 2 va ghla hét cho 3 thi n6 chia hét cho 6

- B) Hai tam giac bang nhau thi dién tich bang nhau.

C) Hai tam giac co6 dién tich bang nhau thi chung 1a hai tam giac
bang nhau.

D) Tam glac can c6 mot géc 60° néu va ch1 néu tam giac d6 co
hai goc bing nhau va mdi géc bang 60°. '
Xét xem cac ménh dé tuong duong sau day, ménh dé nao sai :
A) x* +bx+c=0 c6nghiém < b° >4c.

la>b
B) b Sa>c.

C) A4ABC vubng tai 4 < B+C =90".
D) n’chin < n chén.-

Goi X : hai goc d6i dinh ; Y: hai géc bang nhau. Phat biéu nio

.sail

A) X = Yladinh li.

By X &Y.

C) Hai goc don dinh 1a diéu kién du de hai goc do bang nhau.
D) Hai géc bang nhau 1a didu kién can dé hai goc d6 dbi dinh.

Ménh dé nao sau day dung :

A) Hai tam giac bang nhau la didu kién du dé dién tich chung’
bang nhau.

B) Hai tam giac bing nhau 1a diéu klen cn dé dxen tich chung
bang nhau.

C) Hai tam giac bang nhau 1a didu kién cén va du dé ching co
dién tich bang nhau.

D) Hai tam giac c6 dién. thh bang nhau 1a diéu kién cén va du dé
ching bang nhau.

Ménh d& nao sau day sai :

A) Hai géc bing nhau 13 diéu klen cin de chung co hai cdp canh
vudng goc tung d6i mat.

B) Hai goc khac nhau 1a dleu kién du dé chung co ha1 cadp canh
khong vuong goc nhau.

'C) Hai géc ¢6 hai cap canh vudng goéc tung 601 mot la dleu klen

du dé ching bang nhau. ‘
D) Hai goc ¢6 hai cap canh vudng goc tung 601 mot la diéu kién
cin va du dé ching bang nhau



Cau 8.

Caun 9.

Cau nao sau day sai : :
A) Diéu kién cén va du dé& phuong trinh bac hai ax® +bx+c¢=0
vé nghiém 1a A =5h> —dac<0.

f

B) Diéu.kién can va du dé hai vecto a,b khac vecto 0 vudng goc

nhau la a.b=0.

C) biéu kién can va dui dé tam thuc béc hai
fx)=ax*+bx+c>0 Vi

laA>0vaa > 0. . ‘

D) Diéu kién cin va du aé sd nguyen n chia dung cho 51a s6 tan
clng cua n phai 1a s5 0 hodc s6 5.

.M¢énh dé nao sau day dung :

A) IneN:n’ =n. - B)vneNm*>0.
C) IneN:n’—2=0. - D) VneN:wn’ +1 le.
Cau 10. Ménh dé nao sau day sai : : .
A) VxER: x<x+1. B) VxeR: v2>0’
C)IxeR: x> +1=3x. D) dxreR: —>,\
X

Cau 1 1. Phu dinh ctia ménh dé "VxeR: x*+1>0"1a:

A)VxeR: ' +1<0.  B)IreR: ¥ +1<0.
C) eR: X +1>0.  D)VxeR:x" +1=0.

Cau 12. Phi dinh cla ménh dé "IxeN:x’ —4x+3=0"la:

A) VxeN:x* —4x+3=0. B)VreN:x’ —4x+3=0.

C) VxeN:x*—4x+3>0. D)VreN:x’—4x4+3<0.

Cau 13. Ki hiéu a i p “sd a chia hét cho s6 p”. Ménh dé nao sau day sai :

A)VxeN:n:3van:2=n:6.

B)VxeN:n:6 = n3 hoic n:2.

" C)VxeN:ni6 = n:3 van:i2,

D)Vx‘é‘N:nf6 =n:3van:2.

Cau 14. Ciu ndo sau diy ding :

A)IxecR:x*=x+1. By VxeR: x> =x+1.
C) IeZ:x*=x+1. D) IxeN:x*=x+1.
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Cau 15.

Pé chimg minh “»?sb chin =7 s6 chin”, mot hoc sinh 13p ludn :
Giastrnlasblé =n=2p+1(peN)=n’=4p +4p+l
=n -2(2p +2p)+l '
’ =’ =2k+1(18). Sai.
Vay n* s6 chin.
Hoc sinh d6 da s dung phuong phap chimg minh:

A) Phép chirmg minh ménh dé A= B.
B) Phép chimg minh ménh dé 4 < B.

. C) Phép chimg minh phan vi du.

Cau 16.

Cau 17.

D) Phép chimg minh bang phan ching.

Xét E=1{xez/(x* ~1)(x* =2)y3—x* =0} . Tap hop nio sau
day dung : ‘

A) E= {f \/——-10,1,\/”f}

B) £={0:1:42:43}.

C) E={-1;0;1}.

D) E={-11}.

Tap hop nao sau day la khac tép hgp @ :
A) A={xeR/F—x+1=0}.
B) B={xe€Z/~x*+3x—2>0}.

C) C={xe€Z/2x* +x-3=0}

Cau § 8.

D) D={xrez/ Ve +1=2}.

Téap hgp nao sau day la tdp hop con cua tép hop :
E={0;1;2;3:...;8;9}.

A) A={xeZ/x’ -11x+10<0}.

Cau 19.

B) B= {xEN/x2—11x+10<0}
0) C={xez/x*(x*-4)=0}.
D) D={xeZ/x' -132’ +36=o},

Ménh dé ndo sau ddy sai: v
A) ANBCA. B) ANB C AUB.

C) A\B C A. D) ANB C A\B.
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,l:éu‘él:l. Ménh dé nao sau day dﬁﬁg : ,
A) AUB C ANB. B) A\B C B.
C) A\B = B\A. D) A\B N B\A =

Cau@21. Xéthaitdphop: E= {x/xEZ va x —5x+6<0} .
F= {x/er va xv——7x+12<0}.

Phat biéu ndo sau day sai : _
A) ENF={3}. ' B) E\F=1{2}.
C) F\E={4}. | D) EUF ={2,4}.
. Cau@2. Xéthai tiphop: E={x€Z/— x* +3x—2>0};
' F:{xEZ/ x2—1<0}.
- Phat biéu ndo sau day sai :
A)E=F. v B) ENF=0.
C) E\F=2. D) F\E=1{0}.
Cau 23. Cho hai tip hop : £ ={x/ x* —4x+3<0};
F={x/ X —6x+8<0}.
Céu nao sau day sai :
A) ENF=(2;3).
B) E\F=(1;2).
C) EUF =(1;4). |
D) (EUF)\(ENF)=(E\F)U(F\E).
Cau 24. Xéthaitiphop: N, ={2;4 ;6 :8;10; ..}; -
| N, ={1;3:5:7; 9:11; .}
Cau nao sau day sai : '
A) N.ON,=@ B) N,UN, =N\{0}.
€) N,={xeN/x=BS(2)}" D) N.\N,=N,\N_.
(x=BS(2):x béng bdi 55 clia 2). ‘
. Cau 25. CAu ndo sau day sai :
A) (X\N(XxnY)=2. ,
B) (X\V)u(xny)=(r\x)uxnr).
O (X\YNn(Xxny)=T\x)n(xnY).
D) (X\NU(X NYU(Y\X)=XUY.
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Cau 26. Cho hamsd : y= f(x )=-

fla:
“A) D, =[-1;1)U(1;2).  B)D,=[-1;2).

1—\34+2x—x3

(A x4+ 2 A%

. Tdp xac dinh cua

C) b, =[-1:3]\ {1:2}. D) D, =[-13]\(1,2).

Célj 27.Chohaitdphop X va Yma XNY =90 . Ciu nio sau day sai ?

A) X\Y=X. B) Y\x=Y.
C) XUY=X\Nu\x).D)(x\yY) nr\x)=0

Cau 28. Xét 6 ménh dé:

() xe EUF. ' (V) x€E va x€F .
(Il) xe ENF. (V) x€ E hoac xe F .
(Ill) xe E\F. (V) xe EvaxgF.
Meénh dé tuong duong nao sai : '
CA) (D e (V). B) (I < (IV).
- C) (D & (VD) | D) (D)« (VD).

Cau 29. Cho hai tdp 4={1,2:3;4}, B{3;4;5;6}. Tap hop X c¢6 quan

hé (AOB)CXCB va XIB Tap hgp nao khong phai 1a tap
horpX ? »

A) {3;4} B) {3:5}
C) {3;4;5} D) {3:4;6}.

Cau 30. Dé chimg minh "ANB =@ = 4= A\B" mdt hoc sinh lap ludn

30

theo phép chirng minh bang phan ching :
(b)) Giast A= A\B=3xc 4 va x¢(A\B).
(b,) =>x€4 va(xg A hoac x€B)

=(x€A vaxg A)hodc(x€ A4 vaxEB)
(b)) =>x€@ hodc x€EANB =0 = x € @ (sai).

Vay ANB=0= A= A4\B.
Hoéi phép chung minh d6, néu sai thi sai & budc nao ?
A)(b). B)(b,).

C) ('b3) . D) Khoéng buédce ndo sai.



GIAI THICH - HUONG DAN |

X:2lasblé = X :2 1asb chin. Cau B).
2 1a s6 chinh phuong : Sai. Cau C). | ‘ .
Cau C). Phan vi du, hinh binh hanh ABCD tam O, trbng do :

dt(40B) = dt(A0D) nhung AAOB = AAOD . Céau C).
a>c=>a>bvab>c la sai vi cho : AP
- Ja=4 ' - )
a,ceN: = a > ¢ nhung khong co
- c=3 ; ‘ —"H

beN dé 4>b vab>3.CauB). 8¢

Hai goc bang nhau chua chiic 14 phai d6i dinh. Cau B).

Xét X : hai tam giac bang nhau ; Y hai tam giac c6 dién tich -
bang nhau. . S
X = Y ladinh li. Cau B) sai ; ¥ = X khong phai dinh li (sai).
C), D) sai. Vay A) ding. Cau A). ‘ ,
X : hai goc 6 hai cdp canh vudng goc ; Y : hai géc bang nhau.
X =Y :dinhli; Y= X :dinhli; Y= X :sai = ciu D) sai.

‘f'(x):'éz,t2+bx+C'>O Vxé a>0
(a=0) A <0,

Caug. CiuA)dingvichon n=1thi n’ =n. .

Cau 10. Chon x=0€R:0> >0 lasai. Cau B).

Cau11. VxeR: X’ +1>0e IxeR: ¥ +1>0 < IxeR:x* +1<0.

Cau B).

Cau 12. IxeN: X’ —4x4+3= O@‘V’\EN X —4x+3=0

@V,\EN X -4x+3¢0 Cau A).

Cau 13. Ménh dé ding. Vne N: n6 = /1:2 hoéc n3. Vdy chon céu D).

pfs

€R

X =

Cau 14. ¥’ =x+1e X —x—-1=0&| CauA)/
» | | 1+f

X =
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§

Cau 15. Phép chimg minh bing phan chiing. Cau D).

o .. lx==xle€Z

cau 16. (X —1)(x’ ~2)V3—x* =0 |x=+J2¢Z CauD).
' | ' x=+V3¢Z.

, . x;——IEZ'

Cau 17. 2x°+x-3=0&| =~ 3 CauQ).

Cau 18.x2 —11x+10< 0 1<x<10= 4={2;3;4:..;8,9} C E. Cau A).
Caw 19. Phan vi dy. | |
[4a={o:s2:4) AnB={0;1}
|B={-1:0;1;3} |4A\B={2;4}.
Nhung ANB ¢ A\B.CauD.
amauxmmgmmm%gmmdm@;f . '
| A\BNB\A=0 ' (1)
Giast A|BNB\A=@ < Jxe(4\BNB\ 4)
&(xeA\B)va (xeB\A4)
@’(xeAvéxg{B)vé (xeBvaxd4).
e(xedvaxg A) va (xeBvax¢gB)
«(xeAd\4) va(xeB\B)
. = x € I (sai). Cau D).
cau@1. E={2;3}, F={3;4}= EUF ={2;3;4}. CauD).

, cZ
Cau@2. x€Z va —x*+3x-2>0< o =>FEF=0
1<x<2
' - F={0}.

XEZ va X —1<0<
—1zx<l

Viy E=F.CauA).
Cau23. £=(1;3), F=(2;4), E\F =(1;2]. CauB).

N,\N, =N, _ .
Cauddq. | ° "= N,\N, .« N,|N,.
lN/ \NL - NI ’ :



_(X\Y)U(XﬂY)zX:>(X\Y)U(XQY)x(Y\X')U.(XOY).

Cau 25. _
_ Y \x)ulxny)=vy

Cau 26. Diéu kién :

204320 [—1<x<3 .
.x2_3x+2¢0 ,\"‘T.t]‘Vész ) |

Cau 87. Voi moi tdp hop ‘X,'.Y ,tadéucod:
XUY=X\nur\xulxnr)
=(X\Y)U(Y\X) do XNY =@.CauC).
Cau 28. Cau D) sai vi () (V).
Cau 29. X ={3;5} sai vi ANB={3;4} ¢ {3;5}=X. CauB).

Cau 30. Ching minh ding. Cau D).

DAP AN CAU HOI TRAC NGHIEM CHUONG |

l.{ B | 11 | B | 210} D"
2 C 2 0 A | 22 | A
3 c | 3] p | 23| B
4 B 4 | A | 24| D
5 | B 15 | D | 25 B
6 A 16 | D | 26 | A
7 D | 17 | C 27 | C
8 | C 18. | A | 28 | D
9 | A 19 | D | 29 | B
10 | B | 20| D | 3 | D
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Chuwong IE.

HAM S0 BAC NHAT VA BAC HAI

§ 1. HAM s3

A. TOM TAT Li THUYET

ChoDCR vaD=Q ‘
@Ham's6 f xac dinh trén D la mot quy tac cho tuong trmg mdi x x= D

v&i mot va chi mot sb y.
f:D—R
‘ - xe€éD—y=f(x)eR , .
D latdpxacdinhcia / : D={x/xeR : £ (x) c6 nghta} .
12351 thi ctia ham sé f trén tip D 1a tap hop tit ca cac diém M( 3 f (A))
trén mat phing toa do khi x thay déi trén tap D .
Néu dd thi ciia ham sé f trén tap D 1a mot duong (), ta bao
y= f(x) 1aphuong trinh ctia (¥ ).
®Ham sé / 1a ddng bién (tang) trén (a ; b) khi va chi khi :
{Vx,,xz€(a;b):>f(x;)—f(xz) |

X ix? X —X,

>0.

~ Néu d4u bét ding thirc ddi chiéu thi £ nghich bién (glam) wrén (a:b).
@ Ham sb £ 1a chin trén tap x4c dinh D khi va chi khi :
x€D '
f=x)=f(x)
" Neuf( x)=—f(x) thi /13 ham s lé.

= Mt ham 56 Khong y nhét thiét phdi 1a ham so chin hodc ham sé le.-
= D& thi ham s chin nhén truc tung lam truc dbi xung.
Do thi ham 06 1€ nhén goc O 1a tAm doi xing.

\/xED:»{




B. CAC DANG TOAN

Dang 1. TiM TAP XAC BINH CUA HAM S0

Phuong phap
e Ham hitu ti (ham phéan thirc) : y= f (x) _PW
Q(x)
Tap xdc dinh : D, = {x€R/Q(x)=0}.
e Ham vo ti (ham can'thie) : y= £ (x)=+R(x).
Tép xéc dinh: D, ={x€R/R(x)> 0}.
Vidu 1. Tim tdp xac dinh D, :
2x—35
= f(x)= .
LA e Y e
Giai

f xac dinh @Ix ——l|+|x —3x+2]:::0

& =D+ +/(x=D(x— 2)|¢0_—.>x¢1.k

vay: D, =R\{1}.

Jxi 41

Vidu@. Tim tdp xac dinh D, :y= flx)=

x(2—Jx+1)
Gidgi
X +1>0

: x=0
e dinh o 770 elr>—1
: x+1>0 .
X 7= J.

2—x+1=0

Vay: D, =[~—,1‘;0)U(0'; 3)U(3; +c0).
Vidu 3. Tim tap Xac dmh D,:

\/ 4x+4 \/x —6x+9 :
\/x —x—i—l‘ '

y=fx)=



L Giat
X —4x+4= (x.-—’Z)_Z_Z.»O;; e

4 .2 (v )
 f xécdinh o |¥ —6x+9=(x=3)">0 (vx)

, 1Yy
x"—x—!—l:[x——] +é>0.
. L 2) 4
Viy: D, =R.
Dang 2. KHAD SAT SU'BIEN THIEN CUA HAM sﬁ

Phuong phap

hién cac budc sau :

wf(xz)”'f.(XX) Vx,x, €D,.

e Laptisd

Dé khao sat sy bién thién ctia ham £ trong tip xac dinh- D, ta thye |

Xy =X
‘o Xét ddu ti 6 do. y
e K&t luan.
2 , V A A N 4 R ZX
Vidu 1. Khao sat su bién thién cia ham so vy = f(x) = [
‘ ‘ o —
Gidai
D, =R\{1}. |
x)—flx) o =2(x, —x,)
Vx.x, €D, ,x =x,: S )=/ 1): ( 2 %)
' Xy ™ (o, =) (3, =1)- (2, = 1)

=2 =X
(1) ) 00 =)

+ Vx,,x, €(—00:1) vOi x, = x, :

( : .
{’?‘ <! @{iji%:(xl 1) (o, 1) 0.
(

>l [x—-1>0 -,
5 @{X' | = (x,—1)(x, ~1)>0.
1x,=1>0 '
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‘Viy : Vx,,xz €D, x = x, :>M<o
) X, — X

= f giam trong D, = R {1}.

Vidu2. Chimg minh ham y= f(x)=+vx+2 tang (-2;+00).

- Gidi
Xet: f(‘XZ)mf(x'):\/x3+2"\/x1+2 véi Vx,,xg >—2ix =X,
X3 =X X, = X, -
. x2~x[ . o
(xz'ff—xl)(-\/% ,+2 +\/x1 +2)
|

\/x eI +2>O Vx €(—2;+00).

V*ly [ ting trong D =(-2;400).

Dang 3. KHAO SAT TiNH CHAN, LE cOA HAM 50

Phuong phip

Pé khao sat tinh chan, 1é cia ham so ta thuc hién cac budc sau :
e TimD, : : “dbi xtmg” qua 0.

e Thay x bdi —x va tinh f(—x).
o Xétdiu: |
s f(—x)= f(x) : f chan.
cflex)=—fx) S LG
= Truong hop khac £ khéng cé tinh chén, [é.

Vi du 1. Khao sat tmh chan, Ié cia ham s6 y = f (x) = |x+ 2| —|\ —2].

- Gidi
D= R
/(= Y)“‘”“H-ZI”]*—X 2|—| (x— 2)|-l~(x+2|*lx 2l— |x+2]

(|x+2| Ix—2|) = —f(v
Vay : j 1é. - ‘
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Ix 41| +x ~1]

Vidu 2. Khaio sat tinh chin, 1é ciahamsd y = f(x) =
Vx? 41l
Gidi
D, =R\{0}.
flex )_l —x+1|+]-x—1| l (x~l)|+l (x-i—l)' =1 +]x+1]
\/ x) +|—x \/X +|\f| \/x2+lx|‘
= f{x).

Véy f la ham chén.

S -
Bai 2.

Bai 3.

Bai 4.

Bai 5.

Bai
2 B.
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C. BAI TAP

Bx-1)
L Vxl —x+1
Cho ham b (x) = +2dxt —1 —x? —2Jx* =1 ,

1) Viét lai ham f dudi dang don gian.
2) Tinh.f (\/5) va £(=5).

Chohamsb y= f(x)= . Tinh gia tri £(2++/3).

‘ 1 1 '
Cho ham s6 f(x)-—‘[‘_h/x_H k\/;““er .
(V1= = (Va1 +1)

D TimD, .
2) Chimg minh / 13 ham sb hang.

]
V41—
i+l
x+l_ [x=l

x—1 x+1

Tim tap xac dinh cia ham s6 y =

Tim tép x4c dinh cia ham s6 f(x) =

Tim tap xac dinh ciia ham s6

\/2X \[x_::—\/.?x—h[;—;—

(x)=
/ \ll—x




Bai 7.

Khao sat tinh tang, giam ciia ham s6 :
) f(x)==3x"+4x" trén (1; 4+ 0).

2,)]"(x):—zx— trén Ri{1}.
: x—1

Bai 9.

Bai 10.

Baii. )y’ =

Bai 2.

3) fx)=—x"+4x—3 trén R.
Khao sét tinh chn, 1& cta ham s6 :
D f(x)=2x+1+12x—1.

o 7 »):lx+l|+lx——l|_
) = e

3) f(x) =|x—1,

—2—m—x.

X
\/x—m"

Cho ham sé : f(x) =

Pinh m dé D, =(-1;3].

Chohamsd: f(x)=(m—2)x*+(m—=3)x+m*—4.
1) Timm dé £ c6 tinh chén, 1é.
2) Tim m dé f lu6n luén giam.

LO1 GIAL

5 3(.x—l)j 6(2—{—\/_)
x—x+1 (2.4_\/_) ’
Dox—-2+\/—=:>x l-—1+\/—>0:>y J2>0.

Viy : f(2+\/_) \/—

1)V +2\/x_—~— Ve —141+2dx 1 = \/ F1+1)
V141 |
(.x)#\/)c_l?Jrl—lmv—l—ll véi x> 1.
khi x < —/2 hoac x >+/2
2\/;——:_ khi— \/_<x<~1hoacl<x<f
2) f(V5)=f(=5)=2

=2.

flx)=
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Bai 3.

Bai 4.

Bai 5.

Bai 6.

40

12x+x* +1>0

1) Pidu kién :

TWZ@ x>0
x+1>0 r> o
IWx=Jx+1=0 Sl T
[N == S

D, =[0;+0c).
x>0,
(2Jx+1)(=2) 2

Vay f 1a ham hing trén[0; + o).

2) fix)=

Piéu kién : _ o
20 x20, o‘< 1“
: =4 U< x<I.
‘ ]—J;>0 x <l (
D, =[0:1).
B@uwﬁt‘ R

x>0

1x - (x<—1
|
Jx—1 x>1 ’
f\/x—i—l Jx~1_ x¢O

i - - Z - .

Vx—=1 x+1 -

D/:U;+aﬂ.
Piéu kién :
JLﬁX2>0

Iy <1 : _
»2x—¢ﬁ+120@l R &

—2x< x2+]§2x

Ixl <t |
¥ 1< 4x°

Ix] <1

=3

Y




f(x)“f(xx) —3(x) _xl)+4(

x)
Bai7z. |)—L =
X, =X, X, =X

. ) .
= —3()622 +x|2)(x2 +xl)+4‘(’ng +x.x, +x12)>0’

véimoi x, = x, €(1; +00).

Vay ftang (1;+00). .

flo)-f(x) _ —2(x-x)

Xy — X ‘ (‘vxz“xl)'(x:"l‘.v'(x;“l)

2)

m( “1) (xl_])

x—=1>0
x,—1>0.
x—1<0
x, —1<0.

® \/xl,x,(xl :axz)>1:>[

® Vux,x(x z.xz)<.1:>{

Viy [ gidm twén R\{1}. .

3) f(xz)—-f(x,): —X; + X} +4(x, —x,)

| X3 =X X=X . ‘
=4—(x,+x)=2—x+2—1x,.

2— x|<0:>f(xz)“f(xi)

<0. .
2—-x,<0 X, =X

o Y ox, x,(x, zx2)>2:>{

Vay [ giam trén (2:400). |
° V'Xiaxz(x,:«:xz)<2.=>{2_x'>O =>——————-——-—————-f(x3)-—,f(x')
‘ 2—x,>0 Xy =X,
Vdy f tang trén (—oc;2).
Bais. |)D=R.
f=x)=|- 2x+1l+| 2x—ll-| (2x~1)|+[ 2x+l)|
3 =|2x -1 +|[2x+ 1= f(x)..
Vay _f 1a ham chin trén R .
2) D=R\{0}. ;
=D D =1 ]
Ande |~ =Dl ==+ 1] x—1l=]x+]]

41



x—U+lx=1]

=— =—f(x).
P e
Vay f laham & rénR\{0} .
3) D=R.
(D=0
,f_ _ = (D= f(=1).
fl=1=4 :
Jf khong ¢6 tinh chan, 1€.
. xX>m
Bai 9. Dicukién:
x<2—m.

x>1 .
)m=1: = D= (loai).
x <1

2ym>1:2—-m<m=D=0g (loz_ii).
Jym<l:m<2—m= D={m;2—m|.
Yéu ciu bai toan tuong duong véi :
{— l=m ‘ ‘ A
. = m=—1 (nhan).
3=2—m
Vay : m=--1.
‘Bai1n. D=R.
) f(—x)=(m—2)x* —m=3)x+m*—4.
a) fchin & f(—x)= f(x) VxeR
= 2m=3)x=0vxeR
S m=3.
Vay m=3= f(x)=x"+35 : chin.
b) fl1é & f—x)=—f(x) xeR

5 , m=2=0 ‘
sm=-Dx’=4-m"¥WxeR & =m=2.

-

‘ 4—m" =0
Viy m=2= f(x)=—x:1&
2) Ham f la ham béc hai, mubn f ludn ludén giam thi diéu kién
can va du la: | -
a=0 Im—~2::0 m=2
=4 < i
b<0 Im—~3<0 m<3

Viy m=2 = f(x)=—x ludn ludn giam.

=m=2.
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.
Bai 1.

.
Bai 2.

Bai 3.

D. BAI 'rﬂp TU LquN

Ciiol]éxnséy~ (x)=(\3 - \/—’C+\/3+\/— Tinh x,, néu :
(_/‘( %)) =8+2415.

O e

Cho ham s (x) =
4 1+ "\/ X

1) Tim tép xac dinh D,.

2) Chimg minh f 12 ham s6 hang.

o xx=l
(x+xx +x)-(x=x)

1) Tim tép'xé_c dinh D, .

Cho ham sé f(x)=

- 2)Chimg t6 f gidm trén D, .

Bai 4.

Bai 5.

Tim tép xac dinh D, cia cac ham s6 sau day :

‘l)j(x)~\/x+8 20x+7 \/x 27x—1

2) j(ﬂ~i+ !

PRyl

3) _/'(x)z\/x'-’}—-r—\’l-—l.
4) f(x =WV T =T=JVa—1-2.

5) flx ! + !

N 1+J1—.r?'
Khao sét tinh chin, I¢ ciia cac ham s :
D f)=v2+x+2-x.
2) /’(x)-—:\/E—\/E., »
3) flx)=\2+x2—x.

4)f\)-—[_5:;.

]+x
‘—T

s)f()——




Bai &.

Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 5.

. - .
Bai 6.
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Cho ham s6 f(¥)=

1) Tim tdp xac dinh.

- X

|x+ll—lx—ll

2) Khao sat tinh chin, le

3) Khao sat tinh ting, giam.

HUONG DAN - DAP SO

Chi § : (f (%)) =8-+2415= (f+f)
Dap s6: x, =0, x,= (\/_+\/_) |

5-10Vx

D, =[0;400) ; flx)=——F—=-5.

D, =(0;1)U(1;+00) 5 £(x)

- [ gidamtrén D, .

l)f(x)*[\/x—i— —1!
2) D=(0;1).
4) D=[5;+00).

1) fchin trén [-2;2].

1+2\/—
R s B |
—‘x(y/— )(x+\/—+l) x

—‘\/T~1‘ _«—[l +00). ‘
3) D=(-1;0)U(l;+00).
5) D=[-1;0)u(0;1].

2) flétrén [-2;2].

3). f chén trén [—2 ;;2].

4) fkhéng c6 tinh chin, 16. Vidu: f(D=+3= f(-1)= ;

5) fleten [—1;1].

-2
x+1—lx—1={2x
2
1) D=R\{0}.
2) f chén.

3) fgiam trén (—
f tang trén [1;+oo).

B3
khi x-< —1
khi—l<x<l1
khi x >1.

0o;—1], f 1a ham hing trén (—1;1)\{0},



§ 2. HAM s BAC NHAT VA BACHAI

 A. TOM TAT Li THUYET

1. Ham s béc nhét : :
a) Binh nghia : y=ax+bla=0)

e Tap xac dinh: D=R.
e a>0:y=ax+b dong bién trén R

® o <0:y=ax+b nghich bién trén R
e D4 thi 14 mot dudng thing khong song song va khong trung vaoi
cac truc toa dg.
b) Ham hang : y=>bla=0).
e D6 thi la duong thing song song hodc tr ung von truc hoanh (nam
ngang) va cit truc tung tai diém’ (0:0).
v 1x khix>0
—x khix<0.

e D6 thi 13 hai nira duong thang vudng géc nhau tai gbc O va nam,
phia trén truc hoanh.

d) Ham sé : y=lax+h|.
e Do thj 14 hai nita duong thang cit nhau ném trén truc hoanh.

¢) Ham so : . IA[

ax?r,b khi ;t >.¥£,1
0 u>0 Ia,\+b| ;:
—ax—b khix<—=

7}

|—ax—b khixs—2
©a<0: y=lax+bl=] ‘ 4

wxtb  khix< -2
! a

e) Ham phan nguyén : »
“e Phin nguyén cua s& x, ki hiéu [x] 1a sb nguyén a thoéa
a<x<a-+l,
o [x]<x<[x]+1, Vx.
e y=[xl=a.Vx€la;a+1).
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2. Ham sb béc hai : LT
a) Dinh nghia : y=ax’+bx+c (a=0).
® Tap xdc dinh D=R. )

va ddng bién[—-i ;+oo].
: 2a

e a > 0:Ham nghich bién [—oo :—Eb—
. ‘ s ed

e a<0:Ham ddng bién [-—oo :~——é—] va nghich bién{—;-—b— +3<:]

2a 2a
e D thi cua ham s§ y = ax’ +bx+c (a=0) 1a mot pcuabol (P) co
dmh S __f)_____é] han duong thang(d): x = ~2 lam truc doi
2a 4a 2a
xung.

e a>0:(P) quay bé 16m lén trén.
® a <0:(P) quay bé 16m xudng dudi.

B. CAC DANG TOAN
Dang 1. XAC DINH HAM S0 BAC NHAT

Phwong phép

Ham s6 bac nhit c6 dang: y=ax+b.

Xac dinh him s6 bac nhét 1a xac dinh céc hé s6 :
e a: Hé sb goc cua dudng thang.

e b: Tung do gbc clia dudng thang.

Vidu 1. Tim phuong trinh duong thing (D) di qua hai diém A4(-3;1)
va B(2;—4). |
Gidgi
Phuong trinh dudng thing (D) ¢6 dang y=ax+b.

Theo gia thiét :
A(-3; 1)e(1))¢>1—-—3a+b _fa=-1
B(Z;—~4)€(D)¢:>—4—_—-2a+b b=—2.
Viy phuong trinh ciia dudng thing can tim : '
' (D):y:——x’—z_
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Vidu 2. Tim phuong trinh duong thing (D) song song véi dudng thang
(A): y=—2x+1, biét rang (D) diqua M (-3;2).

Gidi
Phuong trinh dudng thing (D)cé dang: y =—2x+b.
M(-3;2)e(D) = 2=(=2)(=3)+b=b=—4,
Véy phuong trinh (D): y = —2x—4.

Dang 2. VE D6 THI HAM 88 ) = |ax + |

Phuong phap.

[Al=4 khid>0

lAl=—4 khiA4<0

chuyén ham sé vé ha1 ham thanh phan, mdi ham 13 ham bac nhét véi
tdp xac dinh riéng.

e V& timg dd thi thanh phin véi tap xac dinh ueng D4 thi ciia ham sé la
hop cac dd thi riéng lai !

‘@ Dung dinh nghia : [

Vidu 1. V& dothi (C) ciahamsd: y= f(x)-—h‘-'l
Giai

x=1  khix>0 (C)

y=SW=100 ) khix<o (C,). | !

Pd thi (O)=(C,)u(C,) 1a duomg ghp 2 7T 2 «x

khic hinh chit V c6 dinh 1a diém 4(0;-1). ' A B

Videy 2. V&dd thi cua ham sb :
y=f(x)=2d—/x* —4x+4.
Gidi
y=f(x)=2x-lx-2|

——x~—2khix§0 \ o
={3x—2 khio<x<2 2N 0 ,
x+2 khix>2. N

(C) 1a dudng gp khiic.
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Dang 3. XAC BINH HAM s0 BAC HAI

Phuong phap

Ham s6 bac hai ¢6 dang: y= ax® +bx+c(a=0).

'Pd thi ctia ham s béc hai la parabol (P) c6 :

e Hoanh d6 dinh x, = -—-ZZ—.
a
Y VR b
e Truc d6i xing 1a dudng thing (A):x = ~57
, _ a

Vidu 1. Xéc dinh parabol (P) di qua 3 diém A(—1;0), B(O";3),C(5 ;O‘).
-~ Gidi T
Phuong trinh parabol (P) c6 dang : -
’ 0 y=a’ +bx+te.

4( 1; o)e(P><:>0_a—1)+c 'fa":—'._s_.'
C( )E(P)@O:25a+5b+‘c 5
c=3.
'Vay phuong trinh cta (P) 1a :
3, 12

Vidu 2. Xdc dmh parabol qua gbc O nhcm dlem S(4 - 1) lam dinh.

Guu
Theo gia thiét :
S fe=0 - [ 1
b ‘ a= -]_6—
17224 I
. 2a bh=—=.
dac—b* - 2
4a - c=0.
Viy phuong trinh ctia (P) 1a
1 1
=—x ——x.
r= 16 2
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Dang 4. VE B0 THI HAM S0 DANG HAM BAC HAI €O CHUA ‘nﬁ(u
GIA TRI TUYET BoI '

Phwong phap

o Ham s6 bac hai y=ax’ +bx+c c6 d6 thi 1a parabol (P) qua dinh

( ‘ - pt , B b
Sl——i : i!—C—I—C-——?—J va dbi ximg qua duong thing (A):x=——.
U 2a 4a ' ' : : ’ 2a
e D6i voi ham s6 dang ham béc hai ¢6 chira dau gia tri tuyét doi, ta ding

dinh nghia :
lAl=4 khiA>0
v |4l=—4 khi 4<0
dua vé ham thanh phén. _
| e bic biét: y=|ax’ +bx+c.
- V& parabol (P):y =ax’ +bx+c.
- Giftt nguyén phan (P) trén Ox.
- Lay d6i xtmg phén (P) duéi Ox qua Ox.

Vidu 1. V&dd thihamsd y = f(x) =x" —4lx+3.
‘ | Gidi
_ x*—4x+3 khix>0

Tacé: y=i .
‘ X" +4x+3 khix<0.
D6 thi gdbm hai nhanh parabol d6i xting qua Oy (ham chén).
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Vidu2. VEdd thi him sé y = f(x) = \/(4x —x* )

Giai

Tacé (P) : y=f(x)= (4x—x?) =|-x? + 4.

1) V& (R): y,=—x"+4x.

Bang bién thién

X S -1 0 1 2 3 4. +0¢|

/ 4
N 73 ™ 3. .
Yy, = - %" +4x > 0 \0
= -5 ~
-oC

2) Giir nguyén phan db thj (B) & trén Ox.

Phdn (R) & dudi Ox, 1dy dbi ximg qua Ox.
Pb thi (P) & trén Ox.
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Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 5.

C. BAI TAP

Viét phuong trinh duong théng (D).

‘1) Di qua hai diém 4(—3;0) va B(O 4).

2) Di qua A(-3; 4) va (D)// Ox.
3) Di qua A(2,—3) va (D)D) 1y =4x—3.

4) Di qua A(-2;3) va (D).L(A):y:%x
5) Di qua gbc toa d6 va c6.hé sb goc m.

V& db thi ham sb va cho biét tinh tang, glam

L x>

1) y=1x khi—l<x<l
x| khix<-—1."
2

2) y=aJx —2x+ 242l =1 +x +2x +2+20x +1l.

3) y=le—2+le—1l-lad. -

Viét phuong trinh ‘parabol (P) :

1) Pi qua 4(—3;0), B(1;3), C(2;0).

2) Qua gbc O va nhé}ﬂ S(4;-2) lam dinh. |

3) Cét Ox tai 4(1;0), B(5:0) vadinhco tungdd y=—4.
4) Pbi ximg qua Oy va cit Oy tai 4(0;—3) va qua B(—5;4).
5) Tiép xiic voi Ox tai A(2;0) va catOy tai B(O 1)

Ve dd thi (P) ciia ham sb :
) y=(x-2).

2) y=—x +4lx—1ll4+x.
3) y:|——x2+4x——3l.

Cho parabol (P):y = —a_-"?—gc +—3—’ va dudng thé"ing (d):y= g- +Z31_

1) V& (P) va (d) trén cing mat phing toa do.
2) Tim giao diém cua(P) va (d).
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Bai 6.
Bai 7.

\. -
Bai B.

AN
Bai 9.

Bai 10.

Bai 1.
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, . ..
Cho parabol (P):y= ~%—+x va duong thing (d):y=mx+1.
Timm & (d) tiép xtc véi (P). "

Cho hai parabol (B) : y=x*—2x va (B) : y=—x*+2x—m.
“Tim m dé& (B,) cét (B) tai 2 diém phén biét. -
V& trén cung mat phéng toa d6 3 dd thi (P): y=x*-2x, (d,):
y=-x+2,(d,): y=2x—4.

1) C6 nhan xét gi vé (d,) va (P) ; (d,) va (P) ?

2) Chimg té 3 db thi c6 ciing diém chung.

Cho ham s y = x? —=2mx+4 c6 dd thi (P).

1) Tim m dé dinhS cta (P) thudcOx . | !

2) Tim m dé (P) cit Ox tai 2 diém phan biét.
3) Tim m dé diém I(—4;-12) la dinh cta (P):

V& db thi ciia ham s y = /x* +4x? —4lx|x* .
LO1 GIAI

(D) : y-%ax-!—b.

1) Taco:

A(-3;0)e(D) & 0=-3a+b| |a=

= (D):y:ix+4.
B(0;4)e(D) & 4=b . 37T

b owlh

2) (D):y=0x+b=b.
A(=3;4)e(D) e 4=b.Vay (D):y=4.
3)(D):y=4x+b. |
A(2; -3)e(D) & -3=8+b=b=—11.
Vay (D):y=4x—11.

4) (D):y=-——-§-x+b.
A(-2; 3)€(D)¢:>3=—§(——2)+b¢b=-§.

Viy (D):y=~——§—x+§.



5)(D):y=mx.
1) Ham f tang trén R.

X 1-x -3
X -1
Y=
y=x
X+ 1
Y=
Ay
Y e .
-3 -1 il 3
E /10 X
5 N
"""""""" -2

2) y=~lt—2x+2+2x =1 ++/x +2x+ 2+ 2[x +1|
o | [<2x+2 khix<-1
=|x—ll+x+1+2=1{4 khi—1<x<1
2x+2  khix>1.

Ham f tang trén (1;+c0) ;

‘Ham f giam trén (—oco;—1) ;

Ham f 1a ham hing trén (—1;1).

L S U

I S
.><\
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—x+3 khix<0
|-3x+3 khi0<x<l1 --14

3) y={ :
Y= 541 whit<x<2 3
x—3  Khix>2. |
f giam trén (—oo 2); ‘ 7 /
‘f tangtren (25 +oo) -1 |OINY3 >>(

3 Bai 3. y=ax +bx+c (a:ctO)
1) (P) qua 4(-3;0),B(1;3), C(2;0) néntacé:

3
b 0=9a—-3b+c f?,l
3=a+b+c ={b=—-
0=da+2b+c | o°
c==.
4 { 2
. 35, 3.9 3.
Viy (P): y=—=x —=x+=—=—=x"+x-6).
_y()y. 2" ‘4).6 > 4(x x—6)
0=c ‘
_b_ ":l ' i
)1 2a = b:_g_ =(P):y= +8x —x.
4ac—b’
=2 Cc=
4a - » ’ e
- 3) (P) cit Ox tai A(1;0), B(S;O) nén truc dbi ximg 1 trung
tryc doan AB:x6=}—1;—§:43.
Véu cAu bai toan tuong duong véi :
(0=a+b+c a1
G=95q. :
4° 2'Sé+5b—:c=¢<b=——6=>(P):’iy:xzf—6x»+5.
_4=4ac—-b c=5. A :
43 )
[4 25a—5b-+c
—b _
)= 975 7
4) 2a ﬁ*b‘___g =(P): y——?gx -3.
| 5 4ac-b’ :
|=3= lc=-3

4a

h
N



5) {4ac—b

(x=2)°

Bai 4.

1)y

NV
==
= 5
2
< <t
I+
e
i
+-
(2] 1
R ]
[

+alx—1l+x

2

2) y=—x"
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‘/\ y

+4x-13.

2

3) y=|-x

e V& (B):

y, =—x*+4x-3.
e Giir nguyén phin (P)

& trén Ox.

]
-
g
N’
& =
=
s S
=]
ol
,Wq
R
3 O
IR
o B
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Bai 5.

Bai &.

Bai 7.

A ]
Bai 8.

(P):y::i—(x2 —4x+3) qua dinh S[Z;—Zl[]; cit Ox tai A(1;0),
B(3;0) : cit Oy tai C(O;%J.
3 (3 3
(d):y=2+2 qua C[O;-—] va D[——-—;O].
Y=o 2 2

Nhin @6 thj (&) cét (P) tai C[O;%] C’[6 15-]

/ 1/4
(d)

P)'v=-—%-+x . (d): fzmx—i—l d) tlep xtic (P) khi va chi

khi phucmg trinh sau diy co nghiém kep

-—%—rxzmx—{—l st +4m—-1)x+4=0,

s AT B im=0
tire 1a ; A =4(m—1V —4= Of:-w[
m=

Yéu ciu bai toan tuong duong véi phuong trinh

X =2x=—x'4+2x—m <=2 —4x+m=0
06 hai nghi€ém phén biét, tic la

AN=4-"2m>0=m<2.

(a’,) t (P) tai A(—1;3) va' B(2;0);
(d,) tiép xtic (P) tai B(2;0) :
(d,) cit (d,) @i B(2;0).
Viy 3 do thx co chung dlemB(Z 0) €Ox.
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(d|) __3.

-10
-1

-4

Baig. (P): y:xz—‘2mx+4 Dinh S(m'4—~mz)‘
1) SGOx@Af——m =0 m==x2. '
2) Yéu cau bai toan tuong duong voi : A =m’—4>0& |ml >2.

3) Yéu cau bai toan twong duqng Vol :

in:e4‘ - m:——4:>m__4‘
4—m* =-12 m==+4 -

Bai 10. y= \/x‘1 +4x — 4|\|\‘

= Jx* (¢ +4—dlxl) = 1y (Ix = 2)" =Inl(ld=2])

xlx—2 khi x>0
_——xl-x —2=—x|x+2 khix<0

4

x(x4+2)=x"4+2x = khix<-2
—x{x+2)=-x"-2x khi—-2<x<0
—x(x—=2)=—x"+2x khi0O<x<2
x(x—2)=x—2x - khix>2.
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Bai 3.

Bai 4.

Bai 5.

D. BAI TAP TU LUYEN

Viét phuong trinh dudng thang (D) -

1) Qua hai diém A[—l-;——z-], B[_l i]
2 3 32

2) Qua A(—/2;0) vahop véi Ox goc 45°.
3) QuaA(0; —3) va song song Ox .

Ve dd thi cia ham s6

) y=vx+2+2Jx+1 \/x+2 2\/x+1 véi x>0.
N

+1. 3)y—|1-xl+lxl—|1+x|
X 7

2) y=ld—

Viét phuong trinh parabol (P) , biét :
1) (P) qua A(——3;3),B(6;6) va gbc O.

2) (P) qua 4(—3;3) nhéan S[g—;‘)] lam dinh.

3) (P) ¢6 truc dbi ximg (A):x=—2, cit Ox tai M (—-5;0), cat

“tryc tung tai N(0;—2).

Vé do thi ctiia ham s0 :

1)y=x!x|+x+]xl+i. 2) y‘=|x2—4|—~|x2—ll.
3) =y =2) .
Cho (P):y=“~i-x2+x;(d):y~—-2x+l;(d )iy=—x+4.

1) Ve (P),(d,).(d,) trong cling mat phang Oxy.

~ 2) Chimg t6 (d,) tip xic (P) tai E ; (d,) tiép xtc (P) tai F va

(d,) cht (d,) tai M.

~ 3) Viét phuong trinh parabol (P') diqua E, F, M.

Tim m dé phuong trinh sau ¢ nghiém :
il r 420 12 +1=m

Tim m dé phuong trinh sau vo nghiém :-

J-x +4x—3-m=0.
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Bai 1.

Bai &
ai 2.

Bai 3.

Bai 4.

Bai 5.
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3y =y’ —2hw-

HUGNG DAN - DAP SO

13 19 :
) y=——x+—3; ) y=x+v2;
)y 5 30 ) y=x
3)y=-3
1) y=+x+1 —H—(I\/x-i— —ID : x>0=y=2 la ham hang.
. |xl R E: khi x >0
2)y=h|-—-—+l =0)=

—x+2 khi x <0.
—x+2 khix<-—1

' ~3x  khi—l<x<0
3) y=ll—ul+ixl -1+ =

—X khi0< x <1
x—2 khi x > 1.
1) yz%xz—l,x" 2)'y=—ix2 +§x’+£.

37 277 9 3

v 2, 8 -
3 =—x A —-x-2.
Jy=5rs

1)y-——«xbc|~%-x+|xl—1—l=.xzij_l:(xJ“l)2 khi x>0
—x? +1 khi x < 0.
|3 Khix < —2Vx>2
2)y=Ix? —dl-|x¥ —il={-2x*+5 khi-2<x<-1Vi<x<2
| 13 "~ khi—-1<x<lI.

—x? +2x khio<x<2 .
—2x(x>0) |x*=2x khix>2

lx +2xl( x<0) x*+2x khix<-2

—x* —2x khi—2<x<0.

2) E(=2;-3), F(4;0).

3)M(1;3), (P'):y:—-;-xz +§'—x+2.

Phuong trinh da cho tuong duong v6i |x] = —m . Yéu ciu bai toan

tuong duong vdi m <0 (nghiém x=+m).
{



Bai 7. Phuong trinh d cho v6 nghiém khi va chi khi :
' m>0

—x* +4x—3=m": vo nghiém,
nghia 12 duong thing (A):y=m* khoéng cit parabol (P):
y=—x*+4x—3 trong doan [1;3]. Diéu nay xay ra khi va chi khi

{mz()

=m>1].

4

m- > 1
E. AP DUNG
Dang 1. PHUDNG TRINH /(x) =0 CONGHIEM x € D

Phuong phap

e Bién ddi twong duong f(x) =0 & g(x)=m. S6 nghiém cua phuong
trinh da cho 1a sb giao diém cua hai do thi (C,) cia y=g(x) va
(A):y=m trong mién D.

e Bai toan giai dugc néu :

Ve duge (C,)

= Biéu thirc bén phai la m hodc lam don gian theom . =

Vidu 1. Tim m dé phuong trinh sau c6 ding 1 nghiém :

x 4 m+2
— + == ()
x+1 x—-1 x" =1
Gidi.
, x==xl
Tacd: ey,
X +3x+2=m.

Ve (P):y=x"+3x+2. (P) co dinh S[.%;-!%}, cit Ox tai

A(—1;0), B(~2:0),cat Oy tai C(0;2).
’ Ve (A):y=m.(A)//Ox.

~ Yéu cdu bai toan duoc thoa man khi m € {——% ;0; 6} )

6!



(P)

B
NEVY

Vidu 2. Tim m de phuong trinh sau v nghiém :

4 L . R
M (1)
e+ 1] =lx—1|
Gidi |
[ x =0 !
Taco: (& ol :
|x+1|+|x~—l[——m pml
Yéu cdu bai toan duoc thod man khi va chi 10l 1 7 X
khi m<2. ‘

Dang 2. TIM GTLN (GIA TRI LON NHAT) — GTNN (GIA TRI NHO
NHAT) COA MOT HAM SO NHF PARABOL

Phuong phap

Xét parabol (P):y=ax’ +bx+c, a>0.
Tim max y = GTLN(y), miny = GTNN(y), v6i D =(«; §).
D D
Hoanh d¢ dinh parabol (P): x, = -—-—29—.
a

GTLN (y =max {f(a); £(8)}

® x, €Dy
GTNN(y)= /().
¢D: [GTLN (' *ma"{f(”“) 7 (0))
%o 'IGTNN()’\*mm{f ((V) A )}
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1
xX+—
X

N 1
Vidy 1. Chohamso y=x’+—+2
_ : ¥

+8 (x¢0).Timmin y.
o . . N [R‘
Gl'(;l'

bt : t=x+l¢:>x2+L,:: 2-2>2=l>2 (Co-si). Vay :
x o

y=t"+2+6
{ltl >2. .
Hoénh d6 dinh parabol 1, = —1¢ (—o0:—2|U[2;+0oc). Do d6 :
min y = min y = min {£(=2); F(2}="in {6:14} =6,
dat dugc kﬁ;i:(,t = ~ZIZ} x=-—1. | ,
Vidu 2. Goi (x;y) 12 nghiém cua hé phuong irinh ‘
X+y=m+l | (1

x4y =2m’ -2 o (2)
Tim m de U= xy dat GTLN.
Giai |

Binh phuong (1) ve‘lvghép vai (2) ta co:
‘u :xyz_—;f(—fmz {2m+3) = f(m),
vOi x,y la hai nghiém ctia phuong trinh :
P —(m+Dr +-§-(~m2 +2m+3)=0.
Diéukkién é(’) ,nghiém tu'ong duong voi :
. m<—1
A'=3m2——2m—520<:> 5
| 5
‘ Vay:u = f(m) :—:lz—/\—m2 +2‘m+3), meD=(—o0;— I]U{3 +oo]
Hodnh do dinh ca parabol 1& m, =1¢ D, do dé :

maxu*max{j(—l) f(s]} ‘ J0 E}—-Ekh =3
3] B Y A



y

2 2

Vidu 3. Cho ham sb y:( 2x ]—}—Zm[ 2x
x +1 x-+1

]—I— m . Timmin y theo m.
R

Giai

Pat 1 = et —2x+1=0 conghibme —1<r<1.

x*+1
Vay ta ¢6 parabol (P): y= f ()= +2mt+m, t€ D=[~1:1].
Hoanh dd dinh parabol (P) 1a ¢, = —m
e Truonghop 1 : —1<-m<l& -1<m<1.

miny = f(—m)=—-m>+m.

. —m<—1 [m<-—1
® Truong hop 2 :

<:>
|—m>1 Im>l
mmy mm{f(—l) f}=min{1—m; l—|~3m}

_|1=m  khim>1
" 143m khim<—1.
1+3m khi m < —1

Viy : miny=1{—m’+m khi—-1<m<1.
: 1—m khim>1.
BAI TAP

Bai 1. Tim m dé phuong trinh v2x* — x —2m =x—2c¢6 ngh.iém.

Dap sé:m>3.
Bai 2. Tim m dé hé sau co nghiém :
—x1+4x>0
X m-+1.
4 .

JE)apso —1<m<3

Bai 3. Tlm m dé phuong trinh sau c¢6 6 nghiém :|x|v/x* +4— 4lx =m.
Papsd: 0<m<1.

Bai4. Timm ‘de phuong trinh sau chi c6 1 nghiém :
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x4+ D(x+2)(x+3)(x+4)=m.
bap sé:_ lh€{~l}U[1—96~;+oo].
Bais. Chohamsd y=(x+1)(x+2)(x+3)(x+4)+m. TinhmRiny. _

Péap s6 : miny =m—1, khix=—1.

. 2
. , 1
Bai6. Cho ham sb y:[x+1] +| X

Ve ) Ux

\ Dép s6: min y=7,khix=1.

J+1 (x>0). Tim(gnin)_y.

(01 4e)
Bai 7. Cho hé phuong trinh :
x+y=2m—1
{xz +y* =m? +2m—3.
Tim m dé u = (xy) dat GTNN.

Dép 56 - minu:gkhing.
3 3

Bai8. Cho phuong trinh x* —(a—Dx+a>~7a+6=0 c6 nghiém x,
va x,. Tim a dé (x? +x2) dat GTLN.,
© Dapsé: max(x? +x2)=25khia=6.
ON TAP CHUONG BE
A. BAI TAP TONG HOP

,/4x+4+}—

\/—|2x ~—x—l|

Béi 1. Chohamsb: y= f
1) Tim tap x4c-dinh D,.
2) Cho x, = (\/“ J6)Va++i5). Tinh £(x,).

x—232. N x+242
VX =248 x+4x/2+8

Ching minh y 12 ham sb hang.

Bai2. Chohamsd: y=
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Bai 3.

Bai 4.

Bai 5.

Bai 6.

Bai 7.

: v
AN
Bai 8.

Ba
i 9.

66

Tim ham sb 5 f dinh boi :
1) fl0)+3f(=x)=4—4x Vx.

' 2) f(x)+2f[‘—}=f——j_—§—xj-:——2—v‘v’xz().
x x ,
Tim D(f) : |
2x* —1
1) fx)=r—= :
b/ x |x2—4x-§—3l——\/x2——2x—i—1
2) f(x): 2

+- .
24a—x? 2-Ja—x

3) f()fc):\/x+3——4x/x41 +\/'x+8}—6\/x—1 .

Cho ham s6 f(x) =

&
e + 1| —lx — 1]
g(x)-—|x+1|+|x—1| 6 do thi (C,)-

1) Chimg minh f va g 1& hai ham sé chén, c6 chidu blen ‘thién

Cho ham s f(x)= ¢6 dd thi (C,) va ham sb

~ gibng nhau.

2) fvag c6 bing nhau khong ? Tai sao. " :
3) Tir f, taoham h dé (C,)=(C, ).

V& db thi ctia y=x* +4x> +4 +Jx* —8x> +16.
. N —49)
1) Lip phuong trinh parabol (R) dinh S, —3~ —i~2—— va qua

- 2 121) .
A(1;—4) ; (B) dinh SZ[—_?;;T{J va qua B(—1;10).

* 2) Ching t6(R)) cét (P,) tai EvaF.

3) Ching minh AEBF 14 hinh binh hanh.

‘Cho ham sé y=x’ +2(m+1)x+m*—1 c6do thi (P).

1) Tim m dé dinh S cta (P) nim trén Ox.

2) Tim m dé 5 thi (P) di qua goc 0. -

3) Ching té dudng thang (A): y 2x 1 tiép xiic v6i hai parabol
Iy} cau 2)



2

Bai 10. 1) V& parabol (P) y.-%—l

‘Bai 1.

Bai 2.

Bai 4.

Bai 5.

3) hix) =

2) Goi S la dinh ; 4, B 13 hai giao diém cua (P) v6i Ox. Xét

‘diém M € (P) c¢6 hoanh do-1a m. Tim m dé dt(MAB) = 4dt(SAB)

HUONG DAN - DAP SO o

1D, :(0;1)u(1-+oo).

2) Chu y :

(VT0—6)' = a(4—Vi5) = x, = 2(Ja- )(mr)
=>f(x0):,

.N!»-

Pidu kién x = 4232 .

x— 2\/_ x—l—2\/_
SN 1x+2f|

—2 khix<—2V2
=10 khi—2v2<x<2V2
2 khix>242.

1 fx)=2x+1,

)Pt t=L o )= x+1.
X .

25% —1
b fla= e =1 Ge—=3)—lx =11
2) D=[-2;0)U(0;+2].
3) D=[1;+00).

D:R\{l;z;fi},

A4+ xx,

(4 2)(4 xz)

(—003;-2), (=2;0),(0;2),(2;400).

Xét dau biéu thic Vx,, x, = £2 theo cac kl;loang

1),2) D, = R\{0} va D, =R . Nhan ti va mau cta f(x) cho

e+ 1l+lx—1 thi f(x)=g(x) voix=0=f=g.
f(x) khix=0 .
khi x=0 thi D, :~Dg #(C,,)*——(Cg).
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L ) L, 2x*—2 khix<—-2Vx>2
Bai7. y=x +2+|x -f4|: : )
khi—2<x<2.
~—3;(3x2~—4x-15) (R)
Bai8. 1)y= | ‘ ‘
Z(—sz —4x+39) (B).
2) (B)N(B)={E;F} véi E(3;0), F(~3:6).
3) AE = FB'=(2;4) < AEBF 1a hinh binh hanh.
Baig. )m=-1. ~
2) m==l.
3) Yéu cau bai toan duoc thoa méan khi va chi khi :
x* 4+ 4x = 2x—1c6é nghiém kép
x'=2x—1 c6 nghiém kép.

L2 " . . .
1 —4 I S Vo~ C s 4
7 }E (P). Yéu cau bai toan dugc thoa man khi va chi

Bai 10. M[m;

khi :

| Imz ‘41;4|—(3§{4:4:>1n: :i:2x/§.

B. CAU HOI TRAC NGHIEM

Cau 1. Ham sb ndo sau day cé tap xéc dinh R ? o
CA) y=x—|xl. CB) y=+x*—x+1.
C)y= %lxl . | D) Ca ba ham sé trén.
ooxt 41 L

Cau 2. Ham sb ndo sau day co tp xac dinh khong phai 1a tap R ?

A - 2x—1
A) y=+/x" +lxl. . By y=——e,
)Y : 4 lx — 1+ |x+1]
Va2 —yx* +1

Qy=——7— D Ca ba ham s6 trén.

Cau3. Tip xic dinh cta hamsb y=lx—1-y2— 1a:
oA L2 B) (—00;JU[2;+00).
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Caun 4.

Cau B.

Cau B.

Cau 3.

C)R.  DyR\{1:2).

‘ 1
Tép x4c dinh cia ham s6. y = ——— 12
| - hdva=x?
A) (=2;2). B) (—2;0)U(0;2).
C) R\{-2;0;2}. D) R\{0}.
Cho ba ham s6 : . o (
2x - 2x 2x+1
D y=—=7—— ,(II) y=— (HI) V=
(Ve +1) T VR xyx* +x

Nhitng ham s6 nao c6 tap xac dmh bang nhau ?
A) (I) va (II). By(Mvadll).
C) (II) va (III). : D) Ca 3 ham s0 trén.

Cho ham sb y = £ (x)

\/1——_ khi x <1. : |
Tap xac dinh cda f la: '
A) (1;400). B) (—c0:1].
C) R\{1}. D)R.
' 4x—4

Chohamsb y= f(x)= . Piém nao sau day khong

——2x2+6x—;4
thudc db thi ctia ham s ?

A) 4(0;1). B) B(1;2).
C) C(2:2). , D) D(3;-2).

Cho ham s6 y = f(x) =Y =44 4 48 thi (C). Phat biu

| 4 X
nao sau déy sai ?
CA) M (2;0)e(C). B) M,(-2;-2)e(C).
C) M,(-2;2)¢(C). D) Ca3 déu ding.

‘Cho ham sé y= f(x)= 2x-\/x —2x+41.Dd thi cua ham sd 1a:

A) Parabol. - B) Pudng thang. ,
C) Hai duong thing song song.D) Hai ducmg thang cit nhau
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Cau 10. Cho him s6 y =[x +x 1| ¢6 dd thi (C). Pé thi (C) 1a:
A) Hai nira duong thang song song.
B) Hai nira duong thang cit nhau. :
C) Hai ntra duong thang va mot doan thing.
D) Hai nira dudng thing va mot cung parabol.

Cau 11. Cho ham sé y = x> —Jx* —2x +1 c6 dd thi (C). Db thi (C) la:
A) Mot dudng parabol. B) Hai duong parabol
C) Hai nhanh parabol.- ‘D) Mot duong thang

‘€au 12. Cho ham sb y= \/x+ 2Vx +\/x 24 x Phat biéu nao sau
' day sai ?
A) Tap xac dinh D =[1;+00).

B) Ham s6 ludn ludn tang.
C) D6 thi nam trén truc hoanh.
D) D6 thi gdbm mdt doan thang va mdt nhanh cong.

Cau 13. Cho ba ham s : (C):y=rx |x|+x;

: (C) y= g =|x]—
IXI

(C):y=hiw =2
X

Ciu nao sau day sai ?
A) Moi x<0 ham f 12 ham hing, v moi x>0 ham f tang.

B) Moi x <0 ham g giam, va moi- x>0 ham g la haim héng.
C) Vx =0, 1a ham hing.
D) (C).(C,). (C) di qua gbc O .

Cau 14. Xéthamsd y = f(x) = —x? + 4x —3.Cau ndo sau day dung ?
A) f ludn ludn giam. ‘

B) / ludn luén giam trong hai khOéng(%oo :2) va (2 ;+oo).
C) f tang trong khoang (—0032) va gidm trong (2;+400).
D) f gidm trong khoang (—c0;2) va ting trong (2;400).

Cau 15. Xét ham so y=f(x)=—-—i. Cau nao sau day sai 7
, —

~A) f ludn ludn giam.
B) f ludn ludn gidm trong tdp xac dinh.
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C) f luén giam trong (—oo:1) va (1; +00).
D) Pd thi cia f dbi xtimg qua diém I(1 ; 0).
Cau 16. Xét hai d6 thj ham sb ; (cl);y=f(x)='lxl+lx-1l 5
| (C,):y=g0)=Ixl—|x—1].
Cau nao sau déy sai ?
A) (C,) ludn ludn ndm trén (C,).
B) (C,) ¢6 mdt truc dbi ximg song song Vi truc tung.

C) (C,) c6 mdt tim dbi xtmg & trén Ox .
D) f va g mdi ham c6 hai khoang : mdt khoing tang, mot

. khoangglam
Cau 17. Ham s6 nao sau ddy 14 ham s6 1& ?
A) f(x)=+x*+1-2. 'B) g x)—|x+l|+|x—l]
C) h(x):x+l. . D) k(x)=x"+x.

Cau 18. Ham s6 ndo sau day 13 ham chén ?
A) f)=lx+1+x =1 B)g(x)—-1x+1|—lx—1|
Cv) h(x)=x"+x. D) k(x)r:x2+l. ,

, X

cau 19. Xét hamsé f(x)=|x+1|—|x—1|. Cau no sau ddy sai ?
A) Db thi nhan gbc O 1am tam dbi ximg.
B) Ham s6 giam trong khoang (—1 ;1).
C) Ham s6 f 1a ham hang trong(—oo; —1)U(1;-+00).
D) vx:|f(x)]<2. | | o

Cau 20. Cho ham s6 y=3x+2| -| 3x+ 2| Phat bleu nao sau day sai ?

A) y=4 thi ta tim dwoc vo sb x ma ng.

_2_..2-_]
3°3)

B) Ham s y tang trong khoang

- C)Hamsé y 1a ham c_hﬁn.
D) Géc toa dd thudc do thi.
Cau 21. Pudng thing nio c6 phuong trinh sau diy di qua hai 4iém

A Z;1] va B[—l;———?iJ ?
3 2
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A 3 | ‘B 2
)y-ZL ))—3
2 . 3
C =——x. D +—x
) y=-3 _ ) y=+7

Cau 2&. Parabol di qua A(O;—~1),B[V-1;—~—§—] va C(3;-7) c6 phuong

trinh 1
A) y:—'gx2+l. ' B)y':——-z—xz—-l.
: 3 3
. 3, ‘ 3,
C) y=—=x"+1. D) y=—=x"—1.
| )y 2 ) y= 5%
. Cau 23. Parabol di qua M (4;0) c¢6 dinh S(2;~1) ¢ phuong trinh :
: | 1,
A) y=—x"—x. B) y=—>x"+x.
) y=7 | ) ) s
: 1, - 1,
C) y~—ix‘——2x. D) yﬂ-.—zx +2x.

Cau 24. Parabol (P) cé phuong trinh y = —x> +3x—2. CAu ndo sau day
© sal?
A) (P) quadiém M (0;-2).
B) (P) cét truc hoanh tai 4(1;0) va B(2;0).

C) Truc dbi xtmg ciia (P) 14 duong thing (D):x = %
N ez o[31)
D) Tam doi xtmg cta (P) 1a diém [[E ,Z] )

- Cau 25. Phuong trinh parabol (P) ¢6 truc dbi xtmg' (D):x=2, qua gbc
toa d0 va dinh c6 tung d6 bang 4 1a :

A) y=x>—4x. B) y=—-2x*+8.
C)y=-x2+4x.. o D) y=2x*-8.

‘Gia thiét sau ding cho cac ciu tir 26 dén 30 :
"Cho ham sb y=(m—-Dx*-2(m—2)x l-i—‘m —3 ¢c6dd thj (P).-

Cau 26. Dé d thi (P) khong phai 1a mot parabol, ta chon :
Ay m=1. By m=-1.
C)ym=2. o "D)ym=3
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Cau 27. Dé dd thi (P) la mot parabol di qua gbc toa do, ta chon :

Cau 1.
Vs )
Cau 2.
Cau 3.
Cau 4.

Cau 5.

Cau 6.

Cau 7.

A) m—l o By m=2
C)ym=3. D) Khong co m.
N L, . 3
Cau 28. Pé do thi (P) 1a parabol nhin truc dbi xing (D):x:——g
chon : ; ~
' 7
A) m=5. B) m= 3
C)m=17. | D) Két qué khic.
Cau 29. Dé 6 thj 1a parabol (P) c¢6 dinh 1a diém S{~1;-2), ta chon :.
A) m:—z—.' ‘ B) m:—%.
3 : 2
Cym=0. : - D)ym=1.
Cau 30. Pé dd thi 12 parabol (P) tiép xic véi truc hoanh, ta chon :
A) l'n’: 0. ‘ B)ym= —I.
C) Két qua khac. . D) Khong c6 m.

GIAI THiCH - HUONG DAN

) —2(x—1(x—2) x—2
do thi. Cau C). ]

, ta

CéuD).' , » ‘
2
Ham y:—‘/x_—--—-m “2"“ c6 D= R\{O} Céu C).
X
D=R.CauC). j
o ‘xxO szI v )
biéu kién : ) = Cau B).
. 4-x*>0  |xl<2. 7
(): D=R\{0};
(D) : D =(=00;—1)U(l;+00) ;
(1) : b =R\{0}.
Cau B).
D=R.CauD). |
y=f(x)= Al 2 = C(2;2) khéng thudc
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khix>2
_ >
x —4x+4:lx—2|__: X Cau D).

X X 2—x

Cau 8. y=
khix <2 vax=0.

7‘ ‘ x+1 khix>1 _
Caua. y=2x— ¥ —2x+1=2x—|x—1= ) Cau D).
' , 3x—1 khix<1.

| | —2x+1khix<0
Cau 10. y=|x+lx—1=11 khi 0 < x <1. Céu C).
.2x~—lv khix>0 '

—x+1khix>1
Cau IL y=x" 2o =2x+1=x° ~—|x—1l——[ Cau Q).

x> +x—1khix<1.

khll<x«2

Cau 12. y=+/x +1+|/ _ —11_..[2\} khlx>2

CauB)vi Vx €& [1 ham s6 13 ham lmng
Cau 13. D, = R\{0} :—>’0§£‘(C3). Céu D).

V=Y (xz —xl)(4—x1 ”-"z)

Cau 14. — = _
(5~ %)
x, <2 :
. 2—x>0
box, <2 ::>2 O=‘>4—xl—x2>0.
. —X, >
SX, E X 2
Vay L7 S 0ey 1'mg trong (—00;2).
X, — X,

Tuong tu, y gidm trong (2;+00). Céu C).

Cau 15. Cau A) sal.

. ——.2x+‘1 khix <0 -1 khi x <0
Cau 16. /(x) =11 khio<x<1:g(x)={2x—1 khi0<x<1

v 2x—1 khix>1. ' 1 khi x> 1.
g tang trong khoang (0;1). Cau D) sai. ‘



Cau 17. Xét h(x)‘:x+‘—l—. D=R\{0}.
’ X
VxeD=—-xeD,

h(——x)z—x+——1~:~——x~i=——[.x—+—l]:—/1(x).
—X X X

Vay h la ham lé. Cau C).
Cau 18. Xét f (x)=|x+1|+Ix—1l. D=R.
Flex)=|-x+1l+l-x =1 === +]|-(x+1)
=lx—l+lx+1=f(x)
Vay f 1a ham chan. Cau A).
-2 khix<-1

Cau 18. f(x)=1{2x khi—-l<x<l.
2 khix>1.

VayVx e (—1;1): f(x)=2x la ham ting. Cau B).

‘ Cau 20. 7 (x)=PBx+2/=|-3x+2|. D=R. N

Fl=x)=PB(=x)+2|=|-3(=x)+2| = |-3x+ 2| -3x + 2|
=—(Bx+2/—|-3x+2)=—f(x).

Vay / la ham lé. Cau C).

cau21. (D):y=ax-+-b.

14gﬂ%ﬂ0%@1:2a+b, 3
3 3 a=—
3 3 -, 2
'B[—l;——]e(D)@—w:maer b=0.
2) 2
. A 3 . B .
Vay : y=’2~x.CauA).
, Caud. (P): y=ax’ +bx+c (a=0).
 [a(os-1)e@) —l=c 2
' 5 5 | 19773
Bl—1:—=|le(P)e{—-=ag—b+c <1,
o3 3 b=0
C(35“‘7)6(P) -7=9a+3b+c c=-—1.

Viy y= —%—x" —1. Cau B).
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cau23. (P):y=ax’

Vay: y

+bx+c (a=0). Yéu céu bai toan tuong duong véi -

LA 1
e R
|dac=b” | Fpo

4a ) «:O
l6a+4b+c=0 '©

x! —x.Cau A).

Cau 24. Parabol khong ¢6 tam d6i ximg: Cau D).

Cau 25. (P):y = ax’

+bx+c (a=0). Yéu ciu bai toan tuong duong véi

b
_—2;:2 a=-1
14ac —b* :4© b=4
da c=0.
c=0 |

Vay : ‘y =—x’+4x.Cau Q).

Cau@6. m=1=a=0. (P) laduong thing y =2x—2.Cau A).

Cau 27. Yéu ciu bai toan dugc thoa man khi va chi khi :

(m—1=0

e m=3.Cau Q).
m—3=0 ;

Cau 28. YEu cau bai toan duoc thoa man khi va chi khi :

Cm—2

:——3—<:¢>m:%.Céu

- B)

m—1

Cau 29. Yéu cdu bai toan dugc thod mén khi va chi khi :

b

—-.2.;1_._ l’i’lf"l B

dac —

_m=2

-1

=m==. CauB).

L S

oW

4a

m—1

Cau 30. Yéu ciu bai toan duge thoa man khi va chi khi :
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Ehunng HRE.

| PHUDNG TRINH
VA HE PHUONG TRINH

§ 1. PHUDONG TRINH BAC NHAT

A. TOM TAT Li THUYET

1. Phuong trinh
a) Phuwong trinh chiva bién x 13 mot ménh dé chira bién c6 dang :

fx)=g(x). (1)

° BICU kién cua phuong trinh la nhiing diéu kién quy dinh ctia bién x |
sao cho cac biéu thirc cta (1) déu cé nghia.

e x, thoa diéu kién clia phuong trinh va lam cho (1) nghiém dung thi

, 1a mot nghiém s6 ctia phuong trinh.

® Glax mdt phuong trinh 14 tim tip hop S cia tit ca cac nghlem cla
~ phuong trinh do.
e S = tabdo phuong trinh v6 nghiém.
b) Phuong trinh hé quid
Got S, la tdp nghiém cua phuang trinh (1) ;

S, la tap nghiém cua phuong trinh (2).
e Phuong trinh (1) va (2) tuong duong khi va chi khi: S, =S,.

e Phuong trinh (2) 1a phuong tunh hé qua cua phuong trinh (1) khi va
chi khi: §, cs,. -

2. Phwong trinh bac nhit _ ‘ .
a) Gidi va bién ludn : ax+b=0. (1)
* a=0 S
*a=0 va b=0: §S=
* =0 va b=0: §

M
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b) Giaiva bién lugn : ax +by=c. (2)
o a=0va b=0:S= "%\ hoic S:{C"’by;ytuyy’].

xtuyy;

a
o g=0va b=0:S5=

x tuy}’/;—z—] . | (1)

*a=0 vab=0: S:[-C;;y»tuy)’/}.-
a
ax+by=c

¢) Gidi va bign lugn : ° o (3)
ayx +byy =c,. '

Quy tic CRAME :
| a b

=ab, —a,b; ;

‘ o D
e D=0 @SZ{—D-‘——‘J
{D‘\_IO

e D=0 va _
: [D)z()

& S=0 I )

e D=D =D, =0 = Gidigx+by=c,.

B. CAC DANG TOAN
Dang 1. GIAI VA BIEN LUAN PHUONG TRINH ax+b5=0

Phuong phap

Nghiém cua phuong trinh ax+b=0 cho & (I). .

Vidu 1. Tuy theo m , bién luan s6 nghiém cua phuong trinh :
m (x—1)=2(mx-2). | )
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Gidi

Taco: (1)<:>112(11'zf2)x:!(’1;1—2)(m+2). ’ (2)

em=0vam=2:(2Q)&x= (m".z)(erz) = m+2.
m(m—2) m
e m=0: (2)< 0x = —4 (V06 nghiém).
e m=2: 2)&= 0x=0 (Vx).
Két luan : m=0vam=2: S:{m—}-Z};
‘ m
m=10 1 S=2;
m=2 :S=R.
Vidu 2. Giai va bién ludn phuong trinh : x—fm x\—-—2 —0. ' (1)
; I%x I+x
Gidi
Ta ¢6 ) x =41 - 2
aco: &
‘ ' (m+4)x=2-m. : ‘
o m=—4 : (2)©x:2-—m.
B 4+m
A1 2—m .
bitukién: x=+1 & =+l=m=—1.
v : 44 m
e m=—4:(2)< 0x=6 (V6 nghiém).
Vay: m=—4 vim=—1 :S»:{2~‘}71}.
: 44+m

m=-4hoic m=-1 :8S=0.

Dang 2. XAC DINH THAM S0 DE PHUONG TRINH €O NGHIEM
THOA BIEU KIEN CHO TRUGT

Vidu 1. Pinh m dé phuong trinh sau v6 nghiém :
x+m x=2 '

x+1 X =2 : o )
Gidgi
Ta o6 - e x=—1vax=0 o)
(m=3)x=2
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[Y-3 X

m—3=0

1) vé nghiém < =1
(‘)VO S (1) c6 nghiém x_
m=23
m=23
= _m~—3 =
e m=
m=3
2 —=0 (loal)
lm——

- Vidu 2. Timm daé phu’orng trinh sau c¢6 nghiém :

3}x—m _i_\/;t-—___Zx—i—Zm——l.‘ , : )
x—2 ' ooNx=2 " :

- Gidi | !
x>2 | x>2 |
4dx—m—2= 2x+2m-—1 2x=3m+1.

" Yéu ciu bai toan duoc thoa man khi va chi khi :
3m+1

Ta co: (1) @{

>2&m>1.

3m+1

Véy khi m > 1, phuong trinh (1) ¢6 nghiém x =

Dang 3. PHUONG TRINH €8 CHUA AN TRONG DAU GIA TRI

TUYET %))
| Phwong phz’ap
Dung tinh chét : '
‘{B >0
A=B
@ IAI =
B>0
» A=-B.
o ldl=|Ble 4=+B.
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Vidu 1. Giai va bién ludn phuong trinh :

2x—ml=2—x. | (1)
Gidi |
<
2—x>0 x_.2‘
dx—m=2—x x:ﬂz—
Tacod: (1 & & 3
2—x>0 5
2x—m=x—2 —m—2
Cm-+2
) —E<2em<4.
2y m—2<2&m<4.
: ‘ x__'m—{~2
Két lusn : m <4 : Phuong trinh (1) c6 nghiém 3
' ' x=m-—2

m >4 : Phuong trinh (1) v nghiém .

Vidu 2. Giai va bién luin phuong trinh :

lmx = 2| =2x+ml|. D)
Gidi | |

' —2=2 2
Ta cé - ) =™ xom | (2
S mx—2=-2x—m. (3)

©Giai(2): Q) m—2)x=m+2. '

m=2  :(2)cénghiém x ="T2
m—2

m=2 :(2)<0x=4 (V6 nghiém).
e Giai(3): B)= (m+2)x=2-m.
| 2—m
24m
m=-2 :(3)< 0x =4 (V6 nghiém).
‘Nhanxét: m=2=x,=0; m=-2=x =0.
' | m-+2 O 2—m
—_— X, = .
m—2 24+m

m=—2 :(3)cénghiém x, =

Kétludn: m= +2 (1) co2 nghiém 1a x, =

m=2 :(1)conghiém x=0. N
m=-2 :(l)codnghiém x=0.
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Vidu 3. Xac dinh m dé phuong trinh sau c6 nghiém duy nhit:
Ixl+l=xl=m. ‘ (N
Gidi |
" Vi du nay cé thé giai bing phuong phap chia khoang, nhung & day ta
giai theo cach khac
D2 thdy ring, néu X, la nghiém cua (1) th1 1-—x0 cling 1a nghiém cua

(1), dodd (1) co nghle_:m duy nhét khi va chi khi : 1-——x0 =X, & xo‘ —“E .
Thay xowévao(l)taduorc m::l.. i' B _

" Véi m=1, phuong trinh (1) tré thanh : le +|1 xl=1. )
Ta the“ly (2) c6 it nhit 3 nghiém lax=0,x=1, x= % .

‘Vay khong ton tai m dé (1) ¢ nghiém duy nhat |

Dang 4. HE HAI PHUI]NE TRINH BAC NHAT HAI AN

Phuong phap

Dé gidi va bién luan he : {%" 727 =4 3 ding quy the CRAME xem
X+by=c,, : -

bang (I11).

, s (20— =1
‘v|d1_| 1. Glalhéphucngtrlnh.{x+y:2_

Taco: X=—Emtbe ===
; D 2 —1 3
1 1
2 1 .
D, 1 2 3__1 )
3

Véy nghiém cia hé 1a (1; 1).
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 Vidu 2. Giai hé phuong trinh @
B {cosa.x.—«sina.y:l;“

sina.x +cosa.y = 0.

- Gidi
|1 —sina
, 0 cosc cos ,

Tacd: x=— - = > ———=COS( ;
cosa  —sinu cos” a+smn” « :
sinac cosa '

cosax 1
[since  Of —sin o C
= = = —Sinw.

cosa —sina| cos®a+sin

since  coso
Véy nghiém cta hé 13 (cosar; —sina).
Viduw3. Giai va bién luan hé phuong trinh :
” [mx+4y=0
x+(m+3)y=m—1.

Gigi
Taco:
. ‘ —:m2+3111%4=(171—1)(”1+4);“
1 m+3 : -
0 4 |
D, = | =—4(m-1) ;
_ m—1 m+3 :
, 0
p=|" " |=mlm-.
1 m=1| : ‘

(1)‘ (m—=1D)(m+4)x=—-4(m—1)
(m—1D(m+4)y= m(m.-l). '

m = —4 o, n — m
@ ‘ : Hé ¢6 nghi€m . ;—]. .
m = - b m+4 m+4 :
em=-4 :Hevd nghiém. L
e m=-—1 :HEéconghiémtuyy.
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Bai 1.

- Bai 2

Bai 3.

- (3).

Bai 4.

Bai 5.

- Bai 6.

Bai 7.

. Bai 9.

C. BAl TAP

Xét phuong trinh : x+6=5/x. (1)
1) Chirng minh cac so 0 ;1 ;16 khong phai la nghlem cua (1).

2) Chirng minh cac 64 : 9 1a nghiém cua (1).

:Chung minh o= \/2+f+\[2 V3 va 0= \/2-1—\/~ \/2
) -la nghlem ctia phuong trinh (x* —6)(x? —2) 0.

Cho ba phuong trinh : |x 41| + Ix—1= ‘ (1)
| |x+1i—|x—1l_2x | )
- 2x ‘ '
e ?)
Ix+1—lx— ll

Hay dat cac diu < (tuong duong) hoac = (hé qua) glua ( 1), (2),

Giai va bién lue‘m phuong trinh :

D mx+m=m(x+m). = 2) 21n2‘<x~1)+3(1n+1):2(x+2).

Giai va bién luan phuong trinh :
N x+-1_x—1‘ 2) x——m+x—~1

e N ‘___2.
X—m X , x—1 x—m

Giai va bién ludn cac phuong trinh :

1
1 =
) 1+ x ),

1—m —m

2x

l 1
1+x
Gidi va bién luén phuong trinh :

\/x+3—4\/x——l'+\/x+8-—6\/ﬂxb—1 =m.

Cho phuong trinh : * ~(7 + ll)x—t—l \/)?% lly(x»—mz). O R
. ,
Tim m dé (1): ‘ L
1) C6 nghiém. 2) C6 nghiém thod 1< x < 2.
Giai va bién luan hé phu'O'ng trinh :
1 + P —3m
Xy ¥
L S
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Bai 10. Tim m dé hé sau c6 nghiém nguyén duy nht :

mx<+y=2m
{x+my:'m+l.
LO1 GIAI
Bai 1. Taxét:
x=0 = 6=0 ‘
1) jx= = 7=5 = x=0;1;16 khong phai 14 nghiém.
x=16 = 2220 |
2) {x:4 = 10=5x2 4.9 1anghiém.
x=9 = 15=5x3

Baim. 21 J3— 4+2f f+1 \/_+1.

J—+1

\/. \/_ \/-6— :>{oz —6—-0
_-J’+1_I~1_ #-2=0.
R e e

Viy a, 8 1a nghiém cua phuong trinh d3 cho.
—2x=2 khix<-1
Bai3. (1)&i2=2 khi-l<x<l&xe[- 11]:5(,).
S 2x=2 khix>1
|1—-2=2x khix<-1 , -
()= {2x=2x khi—l<x<l&xe[-1;1]=S5,,.
[2=2x khix>1
3o 2x =|x+1]—|x -1l
. x=0
Vay: S, =S, :(1)& (2).
Sey C S :(3) = (1)
Sty €S 1(3) = (2).

e[-1;1M {0} =S,,.

Baia. 1) m’x+m=m(x+m) o m(m? —l)x-—:m(m-;l). ‘
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m=0vam==+l :_S={——-———-}.

: m—+1
m=0hay m=1 :S=R.
me-—1 ‘ S=0.

2) 2m* (x =D +3(m+1)=2(x+2) & 2(m* = 1x=2(m— 1)[m —%]

met] o §=] 2]
2(m+1)
m= :S=R
m=—1:85=0
x4+l ox—1 [x=0vax=m
1) =—
X—m X (m+2)x=m
. B . m
m=-—2,m=—1,m=0 :Sz{————}.
m-+2

m=-2 hodc m=—1hoac m=0 : S=9g.

x—m x-—1 x=lvax=m
2) x—1 +x-m_2¢>{0x:(m—l)2v.
m=l:85=02. :
m=1:8=R\{1}.
' x>~-1;x=0
I 1—m _ 1 {(l—l—m)x:l—m
2x I+x x>—1:;x=0
. {(3—-—m)x=m—l
a)m=—1: Phuong trinh v6 nghiém.
m=—1 :x:lf—m la nghiém ¢)<lv+'m- @{mzl
+m I-m _1 m>=1.
- S U+m
b) m=3 : Phuong trinh vo nghiém.
‘ ’ : m_—le\ ‘
Com=3 gl 1 nghiém e l3-m B {mzl
 3—m ) m-—1 ' m<3
—>—1 .
, , : 3—m '
- Kétluan: m=1 - (S=0.
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mS»l“ S:{ﬁ:—l—}
' 3—m)
m>3 :S:Fiﬂy'
: 1+m \
—l<m<l1 . {m—l 1——m}
l<m<3 3—m 14+m
x=0;x=~1 ‘
k l i MNi+m)x=1—-m
&
1+x x=0;x=-—1
B-m)x=m—1.
Tuong tuw céu 1) :
m= S=0.
2
m=73 :‘S:{-—l}.
' 2
m=+1 S_{m—yl—m}
m::3 T 3=m’14+m
. Bai 7. 'Jx+3 ax—1 4 x+8—6dx—l=m. QO
. x>1 : ‘
(e & t—\/ 1>0
IJ 2!+IJ 3l

(=2l +lt=3l=m. (2)
Bién luan (2) nho db thi : y:f t):|t—2|+|t—3| voi >0

——2t+5 khio<r<2 :
y=1{1 - khi2<r<3 ' '

1265 khir>3. ???
thdothl /
m<l  :Vo nghlem (t) %
m=1 :2<1<3. ;¢¢
l<m<5:0<t<2hay3<r<5.- >
m>5 11>5. //g t
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‘ Kétluéﬁ:__ m<1 S=.
m=1 S=[5;10].
V / 2 : 2

l<m<5 S:{l?;m]\ +1;[5+m] +1
m>5 :S={[5+m +1}.
. 5 .t

, x>1

BaiB. (1) <4 . ,‘ . : -
S mtm—=Dx=Um—=Dm+1). (2)
m=0vam=1: x= ml la nghiém < ] >lem>0.
om S om
: P (m>0 ~ m+1
1)(1) conghiém <4 - Khi d6 nghiém x =- S
o m=1. - m .
2) Yéu‘céu bai toan dugc thoa man khi va chi khi:
.}n >O ‘”‘l > O
Am=1 mrl: ~ v
’ S m>1.
m-1 {I7l<0
<2 |
m [m>1“
1 m ) - 3m ml
Baig. D= =l-m"; = =2m(1—m) ;
: m : 2m+1 o
11 3m’ ‘ '
D = =-3(m—1) m+—]—].
o m 2m+1| : ' 3)
Yéu cAu bai toan tuong duong vai »
T U
::—:l ' C={2m=0
X +m. 1
. L 3mal 3m+1=0 my‘i 3
y=—="—=—(x=0;y=0)
y l+m
_ m 1 5
Bai 10. D= =m"—1;
: il om
2m 1 | ' o : -1
.= =2mz—m—lzZ(m-—l)(m—l——~] ;
o im+1l om : 2
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Bai 3.

Bai 5.

90

m  2m : ' )
‘ =m(m+1)-2m=m(m—1).

L m+l

Y&u cau bai toan tuong duong véi :

P,mz-1:t() & om= =+l ‘
~ . m= =+l
:2"?+1:2—~ ! €l < "= e im=0
m+1 m+1 m+1==+1
m 1 ‘ m=—2
m-+1 m-+1

Vay m=0; m=-2 lacac 'giél tri cin tim.
D. BAI TAP TU LUYEN

Giai yé bién ludn cac phuong trinh :
D m*(x=2)+2m’ =4x+2m+4.
2) 2(x—m)+mx=m+4. '
3) x+1 _ x—1 .

x—m x+1

Giai cac phuong trinh :
D lx—1l=2—x.
2) |x—ll+|t+1|: ‘

\/}_j \/—— x—1"

Giai va bién ludn :

Dlx—ml=2—x.

2) |mx—}— I|= |(m +1)x—~2].
3) \/x+2\/mm;/x’——2\/m =m.
Giai va bién luén hé phuong trinh :
{mx—y—l—lz 0
x+my+2=0.

Tim m dé he sau co-nghiém :

(m— 2)\/—+(111——4)\/_ 2=0
nz+l)\/;+(3;n+2 \/_)—;-H: 0.




Bai 6.

:1)

Giai cac phu‘O‘ng trinh :
3x(x+1) C2x(x=1) X 410x7 +x
Cx—1 x+1 x' =1 .

Nl B

Bai 7.

Bai 9.

Bai 10.

3%\/)6-5

Tim m dé phuong trinh sau cé nghiém :

2

])-IITY1 :nz]x|+2\m+l. 2) \/.xz—‘—x—i—vl——an2 =Xx—m.
x— - o " ) .

Tim m dé phuong trinh sau cé nghiém la tip R

2 -l l—x
mx—l=—_

m
Tim m dé phu‘oﬁg trinh sau c6 nghiém duy nhit :
x*=1  x+2

(x—17 x—m’

Tim m dé hé sau ¢6 nghiém :
m " I
Vx—=1 Jy+1
! —l———fy———:Zm—].

Vx—1 Jy+1

m

HUONG DAN - DAP SO

) m=42: x= S m=—2:Vx ; m=2 Vo nghiém.
o — Vs . |
Dm=-2:x= Sm+4 ; m=—2:Vénghiém.
: m+2 ‘
D m=-3vim=—1:x= m-1 " m=-3 holic m=~1: V6
: m+3 T

~ nghiém.

) x;%. 2) x==+2. 3) V4 nghiém.

2:x= m+2‘ cm=2: x‘§21;~m>2 : V6 nghiém.

2
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2)m:—l:x:3;m¢—l:x::3;‘x= ! .
2 ‘ 2 , 2m+1

m<0 : ' 2
:Vonghiém:; 0<m<2: x:%—H im=2:x>22.

3)

m>2

- L o | —(m+2 —2m+1
Bai 4. V4 moim nghiém [ ( - ) ;——
m +1 = m +1

Bai 5. HeE vonghiém vOi moi m.

BaiG. 1) Vx==+l. ~2) Vo nghiém.

- mx* . x| =1 m=—1
Bai7z. |)——= mlxl+2m+1 < =
|xl—1 L 1m+1)xl = 2m+1 m = 0.

X>m

2) \/xz—x+1—3mz:x-»m© ‘ _ "
‘ . Q2m—Dx=4m" —1

m=—
2

m>—1.

Bai 8.  Yéu ciu bai toan dugc thoa man khi va chi khi :
m = ‘

.

)713+l:0:>m=—1.

[m+1=0
. X =1, x—l—2'ﬂ x=l,x=m
Bai 9. - = -
(=17 x—m mx =2 —m. o
Yéu cdu bai toan duoc thod man khi va chi khi :
m =0
m =1 emg{-2:0;1}.
m'+m—2=0 ‘
1 u:mf_l>0
U=— 1>O,’x>l m+1
. Jx—
Bai 10. Dit: , == 2’?1 >0
| v= >0,y>-1 m+1
Jy+1 ‘ m<-=1-
' ‘Lm>1.
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2(m2 -H)

sz[xzzi.
a
e Nhim nghiém: a+b+c=0=x =1 va x-z.._,f__

a—b+c=0=x=-1vax,=——.
’ . . a

~ (m=17" " (thoa).
o —31712'+?m‘+1 o1
. 4m”
Vay: me(—oo;—1)U(l; +00). ’
§ 2. PHUDNG TRINH BAC HAI
A. TOM TAT Li THUYET
| 1. Gidi va bién lugn phwong trinh |
| ax* +bx+c=0(a#0) (H
‘ A=b*—4ac
e A<0eS=2
°A:O¢>S:{-~[Z—} (D)
, 2a) ‘ o
. A>0@S:{~b“\[‘&;_b+\/—5}. o
 Ddc bigt: b=2b"= N =b"—~ac.
‘| 2. Dinh li Vi-ét |
Néu (1) c6 2 nghiém x, va x, thi:
Si’:xlo%«xz:.‘—é |
a - an.

e Ncuhaisd x vi y ¢c6 S=x+y va P=xy thi x, y 1a nghiém cla

phuong trinh 1> —St+P=0.
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B. CAC DANG TOAN -
Dang 1. GIAIVA BIEN LUAN PHUDNG TRINH ax’ +bx+c=0

Phuong phap

ax’* +bx+c=0.

L. Giai : Xét cac kha ning déc biét :

e a+b+c=0.

e ga—-b+c=0.

e b=2b" (hésbb ch.%n)

e Phuong trinh dang x* = Sx+ P =0 (nhdm nghiém).
2, Bién ludn :

e Xét truong hop a=0.

eKhia=0,xét: = Déu cuatich ac.

~ « A=b"—4ac (xem bang (1)).

Vidu 1. Giai cac phuong trlnh

D (V5 -3)x" +(V3- f)x+f V5 =0.
2) Jrz—f(\/—i'+x/ﬂ)x+\/_:0.
3 m=Dx"+2m—=2)x+m—-3=0..
, Guuv
1) Vi a+b+c=0nén phucmg trinh da cho ¢6 2 nghiém x, =1 vz‘t

2-5

NN

2)Taco S= \/_+\/— P=+6=-3.2. Vay phucmg trinh da cho ¢o
2 nghiém x, =3 va X, = V2. ‘

3) Xét m =1 : Phuong trinh da cho c6 nghiémx = —1. :
~m=1: Ta cé a—b+c=0 nén phuong trinh da cho ¢6 2
. _. . m—3
nghiém x, = —1 va x, = — .
) m—1

Vidu 2. Gidi va bién ludn cac phuong trinh:
D (m+D)x*+CBm+1)x+2(m—-1)=0
‘ 2) mx+m-—3 +x«m 1
x—2 e
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Giai
1) m =—1 : Phuong trinh c6 nghiém x=-2.
m=—1:A=m*+6m+9=(m~+3).

‘ A 3m+1
= m = -3 : Phuong trinh c6 nghiém kép x, = -———f—l—t—e = —
, i 2(m+1)

: . o . N Co—=m+1

= m=—3: Phuong trinh ¢é hai nghiém phan biét x, = 1 va
: ‘ ~ : m—+
X, =-=2.
T Cmx+m—=3 x—m x=0vax=2

2) + =l& -

x=2 . x mx® —3x+2m=0. (*)
e m=0:(*) < x=0 (loai). ‘
em=0: A=9—8m’.

¢ o>
22

3 , : 3
« |m|=+—— : Phuong trinh ¢6 nghiém kép x, = —

(A'<0) : Phuong trinh vé6 nghiém.

3 v ‘
Mm=——== X, = NG (nhén).
. 2\/5 0
m=——=x = —\/5 (nhén).

22

e ml< 3 (A >0) : Phuong trinh (*) ¢ hai nghiém phan biét
| o 22 T | |
_ 3£49-8m?

12 - nhan duoc khi va chi khi : {

f(O):':O%:}{m::O
f(2)=0

2m m=1.

Két ludn :

W2

m——

e 4 : VO nghiém.

m>-— ‘

» 4
® m= —~§%{——2— : Nghiém kep x = 2.
® "1:2’_\/z~ :Nghiémkép x=+/2.

4
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e m=0 ' :Vénghiém.

e m=1 : Nghiém don x=2.
W2 32 |
1 4 m 4 : Hainghiém phén bi€t.

m=0;m=1

Vidu 3. Mot dam dét hinh tam giac vudng, canh huyén hon canh dai Im,
canh dai hon canh ngan 7m. Hoi dién tich dam dét bao nhleu ?

Gidqi

Goi canhdai: x(m). Pidukién x> 7. Ap dung Pinh li Pi-ta-go :
x=12 '

=T =) e —16x+48=0& _
, v x=4 (loai).

Véy : Canh dai 12m ; canh ngén 5m ; dién tich :30m”.

Dang 2. XAE DINH THAM s0 DE NGHIEM PHUUNE TRINH THDA
MAN BIEU KIEN CHO TRUUI:

Vidu 1. Cho phuorng trinh & (m + x> —4m(m+ l))c-—m =0. (1)

Tim m dé phuong trinh ¢ nghiém kep Tinh nghiém kép do.
/ Giii
Yéu cAu bai toan tuong ducmg voi @
a—m-i-l::O o ~ @ m=—1 ,
A = 4m* (m+1)° +m(m+1) : m(m +1)(2m+1)° =0
m=-1 ‘
Siim=-1 & 1
m=—-—.
m=—— 2 o
e m=0:x, -—-M:Zm::o.
B A m+1
e /71‘:——1/2 cx, =—1.
Vidu 2. Cho phuong trinh : x’ —2x+m=0. - ()
Tim m & (1) c¢6 hai nghiém phan biét ma nghiém nay bing
binh phuong nghiém kia.
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Giai
Goi x, 1a 1 nghiém cua (1), diéu kién x, =0 va x, =1.
Yéu cau bai toan dugc thoa mén khi va chi khi :
m <1
m<1 1%, = 0 (loai)
2 2 =
(xo — xo)(xo, + X, —2) =0

A'=1-m>0

xi - 2x, +m=0<&

1%, zl(lbai)\

x; ——‘ij—l— m=0

X =—2.
V61 xy=—-2=>m=-8 lagiatri cén tim.
Vi dn_:’3'. Cho phuong trinh : mx® =2(m—Dx+m=0. (1)
Tim m d& (1) c6 hai nghiém thod : .
)C2 } x2 .
l)x—‘2+—-2;§2, 2) x, =4x,.
2 1
Gidi

Di€u kién dé (1) 6 hai nghiém x,, x, la:

m=0 m‘<l
I —m> <1
A'=1-2m=>0 m=0.

2

x X . ,
1)-)6—‘2- + 2 <2ex+x <2y o (x—x]) <0

2 4
=0 _
=x —x; =0 @[S__O N
‘ S m =1 (loai)
1
=Sm=—. "
i 2
2) Yéu cau bai toén duoc thod man khi va chi khi : ~
x, =4x, (1)
X.x,=P=1 ‘
| 5 o (2)
X +x,=8S==(m-1). (3)
o ()va@) =x ::i:; va x, =-§—-.

(2)=>S2:—2§¢:>S:£
4 2

7- CDT&PPGDAISO10

97



2(m-l:)~:§ P
Do dé : o 2 = 4 (thoa).
2m—=1) 5 m=—
i el A 9 -
m 2

Vay m=—4 . m :6 la cac gia tri can tim.

Dang 3. DAU CAC NGHIEM CUA PHUDNG TRINH BAC HAI

Phuong phap
ax’ +bx+c=0 (a=0)
¢ x,<0<x, & P<0.
A>0
¢ x <x,<0 &1P>0
1§ <0.
A>0
x1‘2x2>0 e 1P>0
S$>0. | ‘

Vidu 1. Cho phuong trinh : (1112+1)‘x?%'2( m* —1)x—(m*=1)=0. Tim
m dé phuong trinh ¢6 hai nghiém cling duong.

Giai

Yéu cau bai toan duoc thod man khi va chi khi :

A =(m* = 1)2 (1) =1)>0
o :
P:_—(m —l)>0 2w =1 =0 -
1. mt 1 = R S med.
( : ) m-—1<0
— (5% —
g2 1771 1 <0
n +1

Vay khong c6 gia tri m nz‘lo dé phuong trinh c¢6 hai nghiém duong.

. '\/|’ du 2. Gia su phuong trmh _ :
(m=1x? —2(m —1)x+m —3m+2=0. (1)
6 hai nghiém x" va x”. Trén truc x'Ox ldy hai diém M, N
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ma OM = x' vi ON = x" . Qua gbc O, v& tiép tuyén OT cho
duong tron duong kinh MN . Tim m dé OT = 2.
Gidi
 Yéu cau bai toan tuong duong véi phuong trmh (1) co ha1 nghiém
phan biét ciing déu sao cho OT* =x'x"=4. o '
- Taco:
e a=m—1=0&m=1.

o A'=(m*=1)" —(m—1)(m— .1‘)('m ~2) _
=(m-1)’ {(m +1) —(m—-2)}-: (m—=1"(m* +m+3)

2 2 _
:(mml)z , m+~l~} +-1—1 >0=>m=1.
2 4 _
P:(’i_—l)——(’"—-:—z—)*~.‘,~2‘>04:)nz>2.

m—1
® P 4dm—2=4 <:> m=6 (thoa)
Vay m =6 la gia tri can tim.

Dang 4. CAC PHUDNG TRINH QUY VE PHUONG TRINH BAC HAI

Phuong phap

1) ax’ +bx’+c=0 :Pit r=x*>0. « ) | .
) a(P(x) +b(P(x)+c=0 :Dat r = P(x).

3) P(X)|P(x)+bl+c=0:Patr=P(x).

4) (\+a)(/x+b)(x+c)(x+d)-e : Pat t=(x+a)(x+d), didu kién
a+d=b+c. : ‘ '

5) ax” +bx* +cx’ +bx+a =0 ; Chiacho x* =0, dat t=x+—.
x

6) (x+a) +(x+b) +c=0:Pit r=x+ atb .
7) Phuong trinh chtra déu gid tri tuyét déi.
8) Phuong trinh chira dau cén thic. .
Vidu 1. Gidi cac phuong trinh : ‘_ _ o
1) (x=D(x+5)(x*+4x+8)+40=0. | | (1)
2) x* =3 +4x° -3x+1=0. _ )
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Gidi
) Pat r=(x—1D(x+5)=x>+4x—5. |
(D& (2 +4x=5)(x* +4x~5+13)+40=0 & £(t +13) +40=0

- 2 ' . . t=-5

St +13t+40=0<

, 1t=-8.
[x=0

e t=-5=>x44x=0&

x=-4.

i X = —
e t=—8=x"+4x+3=0<
L |x=-=3.

Phuong trinh c6 tap nghiém S ={0;-4;-1;-3}.
2) Vi x =0 khong phai 1a nghiém nén chia cho x* =0, ta duogc :

~ 1
t=x+—, |t|>2
X :

. o
)= x"+—5-3
‘ X

x+l]+4:'0¢:>
S £ —3t+2=0

el >2
s llr=1(0a) = x41=2 ox=1.

L:Z. ¥
- Vidu 2. Gidi cac phuong trinh : ~ ,
D) [ +lx -1l = x. | | - (1)
) Va3 +vo—x—Jx+3)6-0=3. NG)

- Giadi

1) Xét hai truong hop :
X +x—l=x
o x>1: (el +x—ll=xo |
‘ : X tx—l=-x

(x>0 thoddo x>1)

x = —1(loai)

x=1 ’ - ,
F =123 (logi) ! 4 nghim.

x:—-l—l—\/z(loai).
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¥’ —x+1=x khix>0

o x<l:(Ne|—x+l=xo
® X () lx x |=x x*—x+1=—x khix<0

x=1 (loai)

Vo nghiém.
Toém lai, nghiém ciia phuong trinh 1a x=1.
o [x+32>0
2) bidukién: {6—x>0 & -3<x<6.

(x+3)(6—x)>0

bat: t= \/x+3 ++6—x > 0. Khi d6 phuong trinh (2) tro thanh
—1(loai)

t._
2t -3 = 0=>[__3

o | _
t= x+3+\/6—x=3$2 (x+3)(6—-x):0¢->lx 6
: T lx=6.

Kidmtra: x=—3 :4/9 =3 (ding). .

x =6 :49 =3 (dung).
Vay phuong trinh ¢ 2 nghiém x=-3;x=6.

Dang 5. GIAI HE HAI PHUDNG TRINH BAC HAI CHUA HAI AN

Phuwong phap

1. H¢ gom mot phu’ong trinh bdc nhiit va mét phuwong trinh bic hai :
Rut mot 4n & phuong trinh béc nhét, thay vao phuong trinh béc hai ta
dugc phuong trinh béc hai chira mft an.

2. H¢ doi xitng (dm vai tro gifta x va y ta thdy cac phuong trinh khong

dbi) : Dathai dnphu S=x+y va P=xy. Tlnh S,Psuyra x,y.

Vidu 1. Giai hé phuong trinh : {2”:2;y—ixy+x 2v-—31 (D
: S _ - {x—4
x=3y+1 =1  ||ly=I
Taco: (1) & Y N | -
Nyt +3y-7=0" |y==7/4"|[x=—-17/4
=—7/4.
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. Vidu 2.  Giai hé phuong trinh : {

2

17 7]
4’ 4)

Vdiy hé¢ c6 hai nghiém : (4; 1), [__- _1L
Cy+xyt=6"

Xy+x+y=3.
Gidi

‘ =S

bat: {x Y
xy = P.

PS=6

, P+S=5.

Viy P, S 1a hai nghiém ctia phuong trinh bac hai :

1=2

1=3.

Khi d6 : (< {

A _5146=0x

e S=2va P=3:x va y langhiém cla phuong trinh :

t* —21+3=0 (V06 nghi¢m).

e S=3va P=2 :x va y langhiém cta phuong trinh :

; =1
" =3+2=0%&
Vay hé (1) c6 hai nghiém (1;2), (2;1).

C. BAi TAP

~Bai 1. Giai cac phuong trinh :

1) (23 +3v2)x+6v6 =0.

2) (14 m*)x* —2x+1—m?=0.

3) (x? -5x)2—30(x2—5x)~216:0.

4) (nz+3)x2—(—2(m+2)x+m+1'=0'1 .

Bai 2. Giai cdc phuong trinh :
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) (x* —6x+5) —(x* —4x+3) =0.
2) 50, n 2 n 10
(x=20(x+3) x—2 x+3
1 2 2x+5
3) +— _ :+ .
x+1 x*—x+1 x +1

+1=0.

(1)



Bai 3.

Bai 4.

Bai 5.

Bai .

Bai 7.

Bai B.

.
Bai 9.

Bai 10.

Bai 1.

Giai va bién luan phuong trinh :
1) mxz —2m=Dx+2m—-2=0.
m
X— 2 x—1 »
2, 5 2
X x=2 m ‘

Tim m dé phuong trinh cé ding mot nghiém :

cxt —(m+2) X 2m+ DX —(m+2)x+1=0.

2) - =1.

3)

Cho phuong trinh : mx* —2(m? tdm)x+m’(m+4)=0. (1
1) Tim m dé (1) c¢6 nghiém kép. Tim nghiém kép do. _
2) Tim m de (1) c6 hai nighiém trai déu va €6 tri tuyét dbi bang
nhau. ,

Cho phuong tunh x* —|x] +m= 0. | » (D)

Tim m dé (1) c6 hai nghiém phén biét.

Cho hai phuong trinh : x* +x+m=0; ()
o X +mx+1=0. ()

Tim m dé: '
1) (1) va (2) c6 nghiém chung.

2) (1) tuong duong (2).

Giai cac phuong trinh :

) V—x*+3x+4=2x"—6x+2.
2) \/x(xw'l) +\/x(x+2) =2lxl.

3) 32 x+ 1
‘C+] , X
Cho phuong trinh : mx* —2(m—3)x* +4m =0 (1y

Tim' m dé(]) ¢ 4:3;2;1;0 nghiém.

Cho phuong trinh : x° —l—%—i—(l —31]1){x.+ %]—F 3m=0. (1)

Tim m dé (1) co nghiém x:;O. o '
L(’.rl Gu’u

1) Vi 6:/6 = (2\/_)(3\/_) nén nghiém cua phu(mg trinh Ia
x,;—+2\/§,x2=3\/_.‘ o



x =1

2)a+b+c=0= 1—m?
X, = T
[ 14+m
‘ x =9
3) x*—5x=36 x,=-—4
x*=5x=-6 X, =3 .
“ X, =2. '
x =-1
4)a"b+C:O$ x’:_l?’l—l—l ()112&——-3)_‘
) m+3

m=-3=x=-1.

Bai 2. 1) (@ =6x+5) —(x* —4x+3)" =0 < (~2x+2)(2x* —10x +8) =0

x, =1
x, =4.
" 50 2 10 x=2;x7= 3
2 + +—+tl=0x
) (x=2)(x+3) x-2 x’+3 {x2 +13x+30=0
. e = —3(loai
o (loai)
x=-—10. ,
12 245 [x=—1 x = —1(loai)
3) +— =5 )
x+1 x—x+1 x +1 x—x—-2=0 x=2.
Bai3. 1)m=0 :x=1.
m=0 A =1—m?
m<—1 A o
p : VO nghiém.
m>1
m=-1 Tx=2.
.m=1 cx=0. . ;
—l<m<0  om=1E1—m?
‘ DX, = A 5
O<m<l b2 m
xzl; x=2
L _m T
x—=2 x-—1 X +(m—4)x+3-2m=0. (1)

(A=m*+4>0vm) ‘
- Phuong trinh (1) ¢6 hai nghiém phén biét khi va chi khi =
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FD=0 m =0

& ‘ i
f(@)=0 [-1=0 (thod).
Vay: m=0:1nghiém x=3.

4—mEt~m’+4

m=0 : 2 nghiém phan biét x, , = 5

m =0

x+2+ X :-2—41) x#O;x:tZ

3)
X x—=2 m )
: (m—l)x‘-—f—Zx—Zmr:O.

a) hz:l (2 e x=1 tlll]an).

_ >b) i;iil(A'=2111242m+1=2 m—% +%>‘0Vm :
(x=0 [-2m=0 m=0 ”
S ‘ ‘ = =m=(.

x=2 |4m—-1D)+4-2m=0 |m=0

! Kétluén: m=1:x=1.

y ; —1:2m* —2m+1
m=0vam=l:x,= RN
: - m-—

Bai4. Vix=0 khong phai 1a nghiém, chia cho x? =0 ta dugc :

x2+—~1;-(m+2) x%lJ+‘2(1n+l):O<:> -
x . x)

t=x+—1—,l't|>2 : s,
X - (A=(7m~2) .ZO,Vm).

&
1 =(m+2)t+2m =0.
e > 2

. t:x+l#liz 7

= x

1
t=x+—=2&x=1
x .

“Yéu cau bai toan dugc thoa man khi va chi khi m=2.

Bais. 1) Yéu ciu bai toan dugc thoa min khi va chi khi :

a=m=0 : - m=0
AN =m(m+4) —m® (mi+4)=0 " |4m’(m+4)=0
’ ‘ . =m=—4,

(2)
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 BaiB.

Bai 7.
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- Nghiém kép x, = :

m® +4m

=m+4=0.

2) Yéu cau bai toan thoa méan khi va chi khi @

(m+4)<0 —4<m<0
: ‘ A mm 1t
P<0 (m=0) HA=0
‘ < ilx =x, =
Ix,]zlle ° —4<m<0
X, = =X, ,
S=0
: v
—4<m<0
m=-—4
& , & med.
|[|-4<m<0
m(m-+4)=0

Khong c6 gia tri m nao !

) ¥ —x+m=0 khix>0
X =l +m=0<«

| X +x+m=0 khix<O
Yéu cAu bai toan dugc thoa man khi va chi khi :
’(1) c¢6 2 nghiém duong phén biét va (2) vo nghiém ;

-|(2) ¢6 2 nghiém am phan biét va (1) vo nghiém ;

M®i phuong trinh c6 hai nghiém rdi diu.
B)yva@) loaivi A=A, =1—-4m.

= m<0.

A <0
(3)=
P, <0

1) Goi. x, 1a nghiém chung ctia hai phuong trinh. Ta c6 :

X 4+x, +m=0 5
{ 0 ¢ _:>x§+x0(——x5—x0)+l:0

X2 +mx,+1=0

Sx=l=>m=-2.

m>—: § =0
4 .

A-; =1—4m 1 I
2) =S im=—: §={—=
B =m 4 2

1

m< 4 - S.l k:{)ﬁ ;xz}-



'_——.2<m<2-:‘ S, =0
A A im=-2 8§ =A{1}
2 =M = im=2 : Sz.:_{—l}
P, =1 o
m< =2 'S——{x'x}
m>2 R
e m<—2 1) colnghlem am, lnghxem duomg (2)c62 -
nghiém cing dau, suy ra S, =S, (loai).
e —2<m<— :% =S5 =S5, (loz_u).
, 4 S2=Q _
¢—1—<m<2/ S, =S, =0 (nhén).
4
' S, =0 .
em>2 - - =5, =S, (loai).
o S, =0 - -

Véy (1)< (2) khi —;:<m<2.

1) Pidukién: —x +3x+4>0& —1<x<4.

' Dat: t=+—x? +3x+4>0 Khldo

—x* +3x+4=2x"—6x+2 &t=-22410
&2 +1—-10=0

5.
t =——(loai
~ (1ogi)

= —x +3x= o@[ (thod).

Vay phuong trinh coanhnem x=0, x=3.
x(x—1>0 x<=2
x(x+2)>0 |x>1.

\/x(x—l)+\/x(x+2 ) = 2l :>2|x|\/ x— 1)(x+2 ) =x(2x—1) (1)
2x—1>0 (thoa)

a)le (1)@2 X 4x— 2:2x——l¢> 9
- x::-8—*(nhan).

2) biéu kién : {
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b) x<-2:(1)& -2 x2+x—2 =2x-1

1-2x>0 xgl
S 9 & |
\ X =— 9 “
s x=g (leai)

Vay phuorng tunh co nghlem X = z

N x+1>0 x<—1
3)biéukién: | x & 0
- x4+1=0 x>0
Pat: = x+1>0
. X
-3=2 x+1 <:>—12-——3=2t & 20 432 ~-1=0
x+1 X t : o
t=—1 (loai)
t+1=0 - ;
T PN 1 (loai)
2t°4+t—1=0 1
t==.
2
Taco: x+l:l x = —— (nhan)
b 2
. , o n 4
Phuong trinh c¢6 nghi€ém x = ———3—
t=x">0

Baig. mx'-2m-3)x*+4m=0<
mt? —2(m — 3)t+4m-—0 (1)

em=0:(1)=6:=0% x=0 (Inghiém).
e m=0: A':(;n—3)2f41112 =-3(m—-1)(m+3). _

m< -3 ) o
. : VO nghiém.
m>1 ‘
em==3 4 =TT3 9 v 1+J7 (2 nghiém).
c m
Cem=1 1, =73 _ 220 V6 nghiem.
m '
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Bai 10.

P=4>0
-—3<m<1 : S;z(,n_3)
) m
-3<m<0(S>0): 0<t <t, : 4nghiém
0<m<1(8<0) :0>4>t, : Vonghiém.

Vay : ; _

® —-3<m<0 4 nghiém.

e m=-3 : 2nghiém x = +2.
e m=10 : 1 nghiém x=0.

e m<—3Vm>0 : Voénghiém.

biat : t=x+~1— S =x +—~17+224 (Co-si). Phuong trinh (1)
’ X v X

da cho tré thanh :
Il >2 |
£ +(1=3m)t+3m—2=0. @

~Yéu ciu bai toan tuong duong véi vige tim m dé (2) c6 nghiém
t€(~00;-2|U[2;400).

Cich1. A=9(m-1)": (2) @[‘

t,=3m—2,
em=1:4=t,=1¢(—00;—2]U[2;+00) (loai)

e m>1 :Yeéu cau bai toan tuong duong vdi

2<3m-2%&m Z% (nhéan).

® m <1 :Yéu ciu bai toan twong duong véi
3m—2<-2 < m <0 (nhan).

Vay m e (-oo ;‘O]U[—;i ; +ooJ'1£1 cac gia tri can tim.

Cich 2. Truéc hét, ta tim m dé phuong trinh (2) 6 hai nghiém
te(-2;2) ©-2<3m—2<2 (do nghiém ¢ =1 di thudc

(—2;2)) @O<m<-§,

T W . 4
Vay yéu cau bai todn tuong duong véi m<0 V m > 3" '
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'D. BAI TAP TU Luvi_"sN

Bai 1. Giai cac phuong trinh :
1) x* -(2+f+f)x+1+f+f+f 0

2) (m*+1)x*=x=m*=0.

2

3)

x+l} -3
X

x+—1—]+2:O.
X

4) (202 =3x+1) = (x* —2x+1)° = 0.

Bai 2. Giai vabién luan céc‘phu‘()fng~ trinh :
Dx*=2(m+1)x=2(m+2)=0.
3 1 1

x—6 x—2 x—m

2)

Bai 3. T1m m dé phuong trinh sau c6 4 nghlem phan biét :
m(2x? ~——x) +(2m* =m)(2x* =x)+m*(m—1)=0
Bai4. Cho phuong trinh : x° P—(m+2)x+2m=0.

Tim m dé: :
1) (1) c6 nghiém kép. Tmh nghiém kep do

N
N

3)(1)cod 'hai'r'lghiém' thod : \/;cT: 2yx

2) (1) co6 hai nghiém thod :

Bais. Tim nghiém cta hé phuong trinh,:
x+1+y+1=35
Jo=206.
Bai 6. Giai phuong trinh : x> +4 = 3|x— 2|+ 2v2.x.

Bai 7. Giai cac phuong trinh : , : S
DX -k -2=4x+2, 2)3!x|+z|x,1;=5[xf3;_

Bai 8. Giai cac phuong trinh :

1) ()X+4m_x +9.
2 IOY Y o Y NP :,\.;3.
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..
- Bai 9.

Bai 1.

Bai 2.

Bai 4.

'3) \/34—x +\/6—,v—\/(3+x)(6~x)=3.

Cho phuong trinh : x* 4+ 2mx +4=0. : (1)
Tim m dé (1) c6 hai nghiém thoa x' + xi <32

Tim m dé hai phuo'n‘g tfinh_ sau tuong duong : :
mx’ =2m+1)x+m+2=0: : -
(m¥2)x* =2(m+D)x+m=0. (2)

| HUGNG DAN - DAP SO
1)Taco: 242 +3=(1+v2)+(1+3) ;

432 +3 46 = (14+v2)(14+3).
S={1+v2:1+V3}. |

2) S:;l;x: —m’ }
- m*+1)

3) S={1}.
4) S:{.O; 1—2—}
A =(m+2)+ 1>0 Vm : Hai nghiém phan biét.

' @

Ax€Eim 2.6 : ,

2) Q{ ‘ } (A':(m—4)~+12>0 Vm).
X =2m—4)x—12=0. :

Vay :
m=2 . L o
: Phuong trinh c6 hai nghiém phén biét.
m= S
m=2 ' x=-6.

m=6 x=-2,

- Yéu cau bai toan duogc thoa man khi va chi khi :

m =0
20 —x+m=0 c¢64 nghiém phan biét < m < g va m=0.

2x2¥wx+l1z—l:O

1) Véi m=2 phuong trinh dé cho ¢6 nghiém kép : x, = 2.
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Bai 5.

Bai 7.

A -]
Bai 8.

Bai 3.

Bai 10.

Hudng dan. bat

>0 - ‘
2)4m =>m=2.
m=2
m>0
m=2

=8
3)im=8 = _l_
>

m=

Ilm==

2

{x;3
§=5 =38
Khi dé : o = Ay
P=6 |[x=8
y=3.
Vay hé phuong trinh ¢6 hai nghiém..
: =241
it r=|x—v2/>0 =" V2
x=2+2.
1) S={-15}.
2) §= {17}
10 )
) s={1;5;3+23;3-23}.
2) S={1:5}.
3) S={-3;6}.
m==42,
Xét 3 truong hop :

1) m=0 (loai).

- 2) m=—2 (loai).
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N m=0vim=—2: 8 = {1 M},Szz{l;
‘ m m+2

Yéu ciu bai toan duge thoa méan khi va chi khi m=—1.

u-—\/x-i— >0 x>—~1
v=yy+1>0,y>-1.

m
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Bai 1.

Bai 2.

Bai 3.

Bai 4.

KB':"Eli 5.

Bai 7.

3) Viét phuong trinh béc hai theo 4n y c6 hai nghiém la y,":é—-

va y, =

OGN TAP CHUDNG I
A. BAI TAP TONG HOP

Giai va bién luan cac phuong trinh :
) mx—2(x—m)=m"-3m+6.
X+m x—m —m? +m+2

2)
x—1 x—i—lw x =1

Giai va bién luén cac phuong trinh :
0 |x+2m| __lx—m{
| x—2 | ’ x—1]"

2) x+ 3+ avxm +\/x+8 6x—1=m.

Giai va bién ludn phu'O'ng trinh 1 Jx? +1=x—m.

Tim' m dé phuong trinh sau ¢ nghiém :
2m+1)x+3 M»(Zm +3)x—m—2

J1-x IR

Tim m dé };é sau c6 nghiém : |
(2m+l)\/;—l~m\/;:—l
(m+2)\/;+\/;=/n+2.

Giai va bién ludn theo tham s m cac phuong trinh :
2

2x X m

) n _

x+m x-—m 4(x2—mz)-
DX +5m* =2x—m | |
Chophu’mgtriﬁhbachai:x2—2(m—’1)x+m——1:0. ' (1) -

"1) Tim hé thirc doc 1ap dbi voi m giita cac nghiém ctia (1).
. X7 X '
2)Timm dé¢ =% + =% < 7.
Cox X '

)

1
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Bai 8.

. - <
Bai 9.

Bai 10.

.-
Bai 1.

Bai 3.

- Bai 4.

Bai 5.
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Cho phuong trinh : (m—l)x —(m? +1)x+m(m+l) 0.

Tim meZ dé (1) co hai nghiém nguyén phan blet
Tim m dé hé sau c6 nghiém : :
(Vx+y + J— =2m—2
Lx\/; + y\/;: 2m—3.
Tim m dé phuong trinh sau c6 nghiém :
' 2x ;]2 4x
2 . + 2
x°+1 x°+1

—3=m.

HUGNG DAN - DAP s6

) m=2:8={m-3}; m=2:S=R.

m=—1 5
2) im=0 :Sz{‘Tm};vmzwl:S;:R\{:j:l};
m=4 c ‘
m=0
1 S=9.
m=4
1o, 5
1) m==+1:S5={0};  om=—=:8={0;>};
‘ 3 3 :
mx;l‘A"3 4
' 3:5— {0_212 3 ml}.
m= =+l ‘ m -+
) m<5:S=0 ; m=5:8=[-1;10] ;
m>5 :S*—:{[m_*—l] +ll‘
‘ 2
zh‘?_O:S:@; ' 171<0:S={m—_'~1}.
' ‘ 2m '
;7<m<~3;x:m;5.

-2 S.m<~—1,

(1



Bai 6.

Bai 7.

2x X ’ n«l2 X = +m

1) +——=

PN v
x+m  x—m 4(x? —m?) 12x% —4dmx —m* = 0.

(A" =16m?)
m = 0 : Phuong trinh c6 nghiém kép x=0.

. ca m
m = 0 : Phuong trinh c6 2 nghiém phan biét x, :le ==
2 ] ’ XZT‘
2) VX +5m’ =2x—m & 2
|3x* —4mx —4m* =0.
m<0 : x;_:ﬁ%’?_”_ - m=0:x=0 ; m>0:x=2m

A'=(m-1Dm=2).
1) x,+x,=2x.x, khi m<1Vm=>2.
2) Yéu ciu bai toan tuong duong vdi :.

m<1 ‘

m>2 =>2§m§2.
o —P<S§*<5P *
3) y* —2(2m—3)y+1=0 véi m<lvm>2.
Hudng dan. m=0 : fciOl (thod)

m=0vam=1: A=(1n2'+1)2—4,m(m2—1) '
=m*—am’ +2m* +4m+1.

Suyraiﬁz:,mz*—l‘z‘”“[’m—-l-]—kz=(t¥-2)2'(t:m—~1—)'

m
<2 . 2
_ {m —2m— 1}
mv
Dodé: A=(m?>—2m— 1)2 > O', suy ra phuong trinh c6 nghiém :
X, =m ‘ ‘

m+1
X, = =

2
1+ (miOvémil).
m—1 m—1

Vay mE{——l;Z;B;O} 1a cc gia tri cAn tim.



Baig.

Bai 10. Huéng din. Pit 1=

Cau 1.

Cau 2.

Cau 3. Phuong trinh

Cau 4.

Cau 5.
Cau b.
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3< 13
—2—_m<—é-:. S:._\/;—l-\/;
meS P=+x.[y.

2

x2+1

nghiém & —1<¢<1.
Yéu ciu bai toan tuong duong véi phuong trinh 1> +2¢ =3 =m
c6 nghiém ¢ € [—1 ; 1}, tic 1a pgrabol (P) : y=r"+2t—3 phai cit

= phuong trinh tx’ —2x+t=0 c6

duong thang (A):y=m trong doan [fl ; 1}@ —4<m<0.

B. CAU HOI TRAC NGHIEM

Phuong trinh x*> +vx—1+1= 2x — \/. 1—x* c6tip nghiém la:

Ay {1 : B) {0}:

C) @. ‘ D) Tép hop khac.

Phu‘cmg trinh — +x? =1—+/—x ¢0 tdp nghiém 15~

i1 P

A . - B) {0}.

C)@. D) Tap hop khac.
bttt nahiem 1a -
lx+1]—|x—1|

A) {1}, X B) {0}.

Q) o. D) R\{0}.

Phuong trinh x* + 21 =14— 6 tap nghiém la :

x° =1 x =1 ,

A) {0}. - B) {-1;1}.

C) v. D) Tép hop khac. .

Tép ngh‘iém. phuong trinh x* +x* —x+2=0 [a:

A) {0}. B) @. | |

C) Tap hop khac. D) Khong xac dinh duogc.

Tap nghiém phuong:t‘rinh W rx—2=441—-x la:

A) {2} | B) {-2;+2}.



Cau 7.

Cau 3.

Cau 10.

o) {-2}. . D)o,

Tap nghiém phudng trinh x> +V3—x =Jx+1—4 la:

A) {-2;+2}. B) [-1;3] |

C)o. D) Téap hop khac.

Goi S, 1a tap nghiém cta phuong trinh (I) ; S, 1a tép nghi¢m cta

~ phuong trinh (II). Cho biét (IM) 1a phucmg trmh hé qua cua (D). Cau

nao sau day dang : ,
A) S = S, . B)SiCSz.
0 S, cS,. - D)ysns, =o.

Cau nao sau day ding :
A) VX +l=x+16 P +1=(x+1).

B) x2+—71—“=1+ 11
X +1 x°+1

=14+ 21 ot =1.
x -1

e xt=1.

'D) -«/x Fl=lext+l=1,

Pé giai phuong trmh V4-3x—x* =x+2 (1) mot hoc sinh lap
ludn : .

(I) (1) c6 nghia < 4<x<1

(11) Binh phuong 2 vé va thu gon, ta dugec x(2x+7)=0.

(IIT) Giai phuong trinh tich, ta duge x =0, x = —Zj .

(V) Vix=0;x= -—27— théa didu kién (I) nén 1a nghi€ém phuong

trinh. } ,

Hoi budc nao sai ?

A) (D). , B) (ID).
C) (1I). ’ ~ D)yuv).

Cau 11.Cho phuomg trinh m2 (x— 2 =4(x+m) (]) Cau nao sau day sai ?-

A) (I)co nghlem duy nhat X= 2m
m—2

B) (1) cé tap nghlem la R khi m=— -2,
- C) (1) co tap nghiém 1a & khi m=2.
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D) Ca 3 cAu du ding.

Cau 12. Cho phuong trinh m?(x—1)=x+1. Dé phuong trinh ¢6 tép
nghiém R thichon: , I -
A) m==£l B‘)vmzl.
Cym=-1. . D) Khong c6 m .

- Cau 13. Cho phuong trinh (m—1)x= —m*+3m—2. bé phuong trinh ¢6
nghiém x =1, ta chon: '

A) m=1. Bym=2.

C) m=1. D) Khoéng cé m .

Cau 14. Cho phu‘ohg ‘trinh m?(x+3)=m?+2 . DPé phuong trinh vd
nghiém, ta chon : '

A) m==£1. B) Khong c6 m .
C)ym=0. D) m=0.
’ . omx—1 2 , i B

- Cau 15. Cho phuong trinh 1 =2 (1). b€ (1) ¢6 nghi€m, ta chon .
A)ym=0_ " By m#1lvam=2. |
C)ym=2. . D)sz\(émzZ
Gia thiét sau ding cho c4c chu 16 va 17: }
Cho phuong trinh : m ! 2 . (.

x—1 x+1 :xz—l

Cau 16. Voi m=1, (1) co tip nghiém : :

A)D. . B) {-1}.
C) {1}. | D) {-1;1}.
Cau 17. V6i m=1, (1) co6 tdp nghiém :
A @. . . B){-1}.
C)R. D) R\{-1;1}.
Cau 18. Cho phuong trinh x — Vx = 7m (1). Pé (1) c6 nghiém ta
_ x—-1 x+1 " -1 ‘
chon : o
Ay m>0. B) m=42.
C)m>0vam=2. D) m tuyy.

Cau 19. Phuong trinh [x—2/=2—x c6 nghiém la:
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PSECI . BR.
C) (—o0;2). : D) (—o0;2].

Cau 20. Cho phuong trinh : Ix+1+lx—1l=4. Tap hghiém cua phuong
trinh 1a :

A) {=2}. By {+2h
C){-2:+2}. D) R.
\/gr—Sy 6\/.
Cau21. Ngh]em cta hé phuong trmh
' 2x+\/§ = \[—
MWE:—v3). B (E:a).
C) (—V6:42). D) (—V6:-+2).
| | N ENERP
- Céau 22. Nghiém cua hé phuong trinh x la: -
, 27 ‘
==L -5=0 |
Xy 3 /
A) {i’i] ' B) [ﬂ ___li]
1111 . 37
C) [_li] V D) [_1_1:7’_]
11 11 7 °7)
' W +2y =1
Cauw 23. H¢ phuong trinh { \/; c6 tdp nghiém la :
Jx+2y =3
{-1 2)}. | B) {(1:4)}.
o {(1:v2)}. D) 2.
o . mx+y=m—1 .
Cau 24. Dé hé phuong trinh ¢6 nghiém, ta chon :
' . x+my=m.~2v ‘ :
A)m=0. , B) m=1.
C)m=2. D) m==+£1.
6x—é -2 ~ 0
Cau 25. Cho h¢ phuong trinh 7Y 3 Téapnghiém ctia hé 1a :
o |=9x+3y+1=0. '
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TES I

C) R. D) @.
2 1A L mxty=2 A s (e '
Cau 26. D¢ hé phuong trinh "~ conghiémla (6;—4), tachon :
' 2x+3y=0 - L ‘
A) m=—1. - Bym=1.
C)m=-2. ‘ D) m=2.
xX+2y+3z=4
Cau 27. H¢ phuong trinh {x+3y+2z=4 co6nghiémla:
o ' 4x+3y+22:1
A) (=1;1;51). S (1—1n
C) (1:1;-1). D) ().

x’——3y+.22+2=0
Cau 28. H¢ phuong trinh {2x~5y — z+5=0 co6nghiémla:
' C3x—-T7y+4z—-8=0
A)(9;2;11). B)(2;9;21).

| C)(21:;9;2) D) V6 nghiém.
| | | (1 2 3
—4+=4+Z=0
‘ X y z
A o 3 2 1 .
Cau 29. Nghiém cua hé phuong trinh {—+—+—=0 la:
iR X y z
1342,
, X y z
A)(—1;2;-1). B)(1;—-2:1).
Oy (12 1) _ D) Két qua khac.

(Vx 42y +3Vz =4

Cau 320. Cho h¢ phuong trinh 3Jx ——2\/»' +Vz=m .DPéneé co nglliél11

’ \[-+\/_—\/—-m—|—2
(12—5— 16 ~—]——} ta chon m bang
36 9 36 B
A) m=0. : B) m=-1.

C)m=1. - D)Két qua khac.
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Cau 3 1. Phuong trinh ilxl +1= 2x _ — cotap nghiémla:
x° =1 x—1 x+1 ‘
A) {=1;1}. B) {-3:3}.
) {13} D) {~1:-3:1;3}.
Cau 3. Phuong trinh (1) +4=5(x+1) co tdp nghiém la :
A) {-2;0}. B) {-3;1}.
C) {-3;-2:0:1}. D) {051}

Cau 33. Phuong trinh ax® +bx+c=0 (a=0) c6 hax nghlem X, va X

‘th_i S = x, +x, cho boi :

ms—-L.

a

By s——2

2a .

C)s==. D)y s=2.
a a

Cau 34. Cho phuong trinh x —2(m+1)x+5m —I—10m+5 0 (1). Cau

nao sau day sai ?

A) (1) c6 nghiém kép khi m = —1.

B) Khi m = —1 phuong trinh c6 nghlem x=0.
C) (1) v6 nghiém vo1 moi m. :
D) (1) khéng thé c6 2 nghiém phan biét.

Cau 35. Cho 4 phuong trinh : ‘
A) (m—1)x* T (m—2)x+3-2m=0.
B) (m+1)x*=2(m+2)x+m+3=0.
C) x*=2(m+2)x+4m=0.
D) x*—2(m+1)x+2m+1=0.
Phuong trinh nao ludn ludn ¢6 2 nghi€ém phan biét ?

€au 36. Cho phuong trinh (m—3)x* +2(m—3)x—1=0 .
trinh ¢6 nghiém kép, ta chon : » '
A)ym=3. - Bym=2.

C) m=2hay m=3. D) m=3.

Pé phuong

Cau 37. Phuong trinh (2 —m) x* = 2mx+m —1=0 c6 ding 1 nghiém thi :

A) m=2
C)m=1.

‘B) m=2.
D) Khéng c6 m .



Cau 38. Phuong trinh (m+1)x* +(m—5)x+4m—2 —0 c6 mdt nghiém

bang —1 thi:
A)ym=—1. v - B) m=-1.

C)ym=1. | D)m;%.

Cau 39. Dé phuong trinh (m*—4)x* +2(m+2)x+1=0 c6 hai nvghi‘ém

phan biét thi : :
Ay m=+2. B)y m>-2.
Cym>2. : Dym>-2vam=2.

Cau 40. Cho phuomg trinh (2—m)x? —(m+1)x+m+3=0. Dé phuong

trinh ¢6 hai nghiém trai dau, chon :

A) =3<m<2. B) -3<m<2.
C) —1l<m<2. D)y m<-3 hay m>2.
Cau 4 1. Cho phuong trinh (m —2) x* —2tm—=3)x+m—4=0. ()

A) (1) ludn luén cé hai nghiém phén biét.
B) (1) ludn luén c6 mot nghiém bing —1.
C) (1) ludn ludén cé6 mot nghiém bang 1.
D) (1) lubn luén c6 hai nghiém trai déu.
Cau nao dung ?

Cau a2. Dé phuong trinh (m* —9) x> —2(m 43)x,+ 1=0 v6 nghiém thi :

a
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Ay m=3. ‘ B) m>3.
} C)ym=>3. D)y m<3.
Cau 43. Phuong trinh (,’”2 —m+1)x*+Qm—=1D)x+1=0 c6 nghiém, ta
* ¢chon : ' ,

A) m=0. B) m=—1.
C) m=1. D) Khéng c6 m .

Cau 44. S5 nghiém cla phuong trinh x? ——5|x— l-1=01la:
A) 1. B) 2.
C)3. D) 4.

| fﬁu a5. Phuong trinh v/x—1 +l= 2x—4 c6 tdp nghiém la :
A) (1;+00). B) {2}.
C) {s}. - D){2:5}.



Cau 46. Phuong trinh x* — 2(m+1)x+2m+1 =0 ¢6 hai 'nghiém X5 X,
thoa x -+ x2 =2 thi chon ;
A) m=0. B) m=—1.
Cym=0vm=-—1. D) Két qua khéc'

cau 47. Dé phuong trinh x P2(m+1)x- (2m+3)=0 c6 hai ngluem
cung dAu, ta chon :

A) m<——-3l. "~ B) m>—§.

‘ 2 : : 2
3 ‘ : 3 . '
Cym=——. D)m<—=vam=-2.
- 2 2 e

Phuong trinh x2=2(m+1)x+2m+1=0 (1) dugc ding cho cac
cau 48, 49, 50, 51, 52.

Cau 48. Ciu ndo sau day sai ?
A) (1) lubn luén c6 mot nghiém bang 1.
B) (1) lu6n ludén c6 nghiém.
C) (1) c6 nghiém kep khi m=0.
D) C6 thé chon dugc m mat gia tri tthh hop dé (1) vo nghlem

Cau 49. Cau nao sau diy sai ?

A) (1) ¢6 hai nghiém duong, ta chon m > '—%.

B) (1)¢6 hai nghiém am, ta chon m < ——%.
C) (1) c6 mot nghiém bang —3,tachon m=-1,

. . Y 1
D) (1) ¢6 hai nghiém cuing dau, ta chon m > - y
Cau 50. Pé (1) c6 mot nghiém gip ddi nghiém kia, ta chon :
1 ’ 1
A) m=—. By m=——.
ym== ) m=—

1

C)m::l,szz—— D) m=0.
2 4

- Cau51. Dé (1) c6 hai ng]nem x,,x, thoa -~+ | thi chon :
X2 4

A)m=-~1 B)m-——-—
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C) m=0. D) Két qué khéc.

Cau 52. Dé (1) co hai nghiém déu thudc khoéng (0:2)ta chon :

1
A)'m<—l—. B) m>——.
2 . -2
1 1 . ‘
C) ——<m<—=. D) —l<m<l].
2 2 '
Phuong trinh x* —2(m—1) x> +1-2m=0 (1) dung cho céc cau
53, 54, 55. '
Cau 53. Dé (1).c6 dung mot nghiém, ta chon :
A)mzl. B)m>~1—.
2 : 2
C)m< % D) Khéng c6 m .
" causa. Dé (1) co 4 nghiém, ta chc_)n :
A)mzl. . ‘B)m>l.
2 : 2

C) m tuy y. - D) Khong c6 m .
Cau 55. Ciu nao sau day sai ? ‘
A cn & 1
A) (1) vo 11gh1¢m néu m < —2— .

B) Phuong trinh c6 ti da hai nghiém. ‘
C) Khi m =1, phuong trinh ¢6 nghiém bing 1. =

D) Khi m > % , phuong trinh ¢é hai nghiém d;éu"duong.
Cau 56. Cho ba phuong trinh : (I) : 1 =2x%;
(I - ,(xz +x+‘]),(x2 +x+2) =12 ;

' 1
(I1D) : xz—-3x+——7——é+4:O.
D S ¢

Cip phuong trinh nao sau ddy cé tip nghiém bang nhau :

CA) (D) vadl). - B) (1I) va (J1I).
C) (III)‘va‘_l (D). ; D) Khong c6.
’ fx=2y+12=0

Cau57. Nghi€m cua hé phu'ong trinh la:

2

X 4y?—8x—6y=0
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A)(0; 6). . B)(4:8).

C) (0;6)hoac (4:8) D) Két qua khac.
o x+y+xy=8
Cau 58. Nghiém cia h¢ phuong trinh | |
X’y +yix= 16
A)(=2;-2). - B)(2: 2)
C) (-2:2). ' D) (2;-2).
Jx+y=13
Cau 59, Nghlem cta hé phuong trinh \/_ la:
36
A) (81;16). , B) (16,81).
'C) (3;2) hodc (2:3). D) (81;16) hoic (16;81).
- PO, RN —3x+2y
Cau 60. SO nghiém cua hé phuong trinh la
: y? —3) +2x
A) 1. ; ~ B) 2.
C)3. : D) 4.

GIAI THICH - HUGNG DAN

“Cau 1. Tap xac dinh ctia phuong trinh :

S x—=1>0 x>1
P P o= x=1.
1-x*>0 —1<x<]1
Thay x~1:;>phucmg trinh nghiém dung Viy § = {1} Cau A).
4 x—=1>0 x>1
Cau 2. 4
—-x>0 1 xSO

D=@ = S=3.CauCQ).

Cau3. Dibu kién :[x+1-|x-1=0 & ]x+1|:t|x~—”¢>x¢0. Phuong
trinh d& cho tuong duong véi 2lx—1l=0< x=1.5={1}. Cau

~A).
Cau 4. Phuong trinh da cho tuong duong véi :
x ==+l o] -
1 1 P B B = S=0.CauC).

x -1 - xr—1
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I:.-E‘auS. 4t —x+2=0sx* —x+1-——x ——l
Vé phai : —x* —-1<O Vx .
A e ’ 12 3 .
Vetran: ¥ —x+l=|x—=| +=>0 Vx.
. : 2) 4 '
Phuong trinh v6 nghiém. Ciu B).
Y . X—2ZO XZZ
Cau 6. Diéukién: ' &>
o I-x>0 x<1.
D=g = S=2.CauD).

. Cau 7. Phuong trinh di cho tuong duwong véi :
' | +4=Vx+1-3-x
1< x<3.

Vétrai: x*+4>4 Vx. o

Véphai: Jx+1-V3-x <2V2 vxe[-1;3].

D=0 =S=0.CiuC). ' '
cau8. (1) la phuong trinh hé qua cia (I) S, CS,. Cau B).
Cau 9. CiuB)dingdo D=R.
Cau 10. (IV) sai vi: x=0:(1) & V4 =2 (ding) : x=0 1 nghiém.

i=—Le IIELU. (loai).
| 2 2 4 2 T
Vay (1) chi c6 mét nghiém x =0. Cau D).

cau 1. De(m+2)m-2)x=2m(m+2).

e m=—2 vim=2 :(l)ﬁx:ﬂ.
e m=-—2 (1) 0x=0:S=R.
o m=2 - (Deox=16:S=2.

Viy 3 ciu déu dung. Cau D).

Cau 12. Phuong trinh da cho twong dwong véi (m—1)(m+1)x=m?+1.

Vim®+1= 0 Vm nén khong chon dugc m dé phuong trinh cé -.
nghiém tuy y. Cau'D).

Cau 13. Neu x =1 phuong trinh tr& thanh
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(m—l)(l)-——m +3m—2 & m? —2m+1=0

<:>(m-—1) =0em=1.
Nhung v6i m =1, phuong trinh tr6 thanh Ox = 0 < Vx(nén di
nhién v5n co nghiém x=1). Cau A). ‘
Cau 14. m (A+3)—m +2 & m x—2(1——m ). Yéu clu bai toan duoc
thoa man khi va chi khim = 0. Cau C).

x=1
‘ (m—2)x=-1.
" 'Yéu ciu bai toan dugc thoa man khi va chi khi

|m=2 {mz2
<

Cau 15. T—X—_—.I:Z@{

-1 Cau B).

—— ]
m—2

Cau 16 (1)‘¢:> x=El
uems (m——l)xz-(mv—‘—l).

m=1.

[ - | Al
V&i m =1 phuong trinh tuong duong voi ) (loai). Cau A).
_ | X

x:::i:l

0r =0 @Vxx:i:l VayS R\{-1; 1} Cau D).

Cau 17. m=1: {

x>0vax=l1

Cau 18. (l)@{\/;:_n_i
>

Yéu cau bai toan dugc thoa mén khi va chi khi

m=>0- m>0 .
{in2¢4-:>{ g CAUC)

x—2=2—xkhix>2
x—2=x-2khix<2

@x-’-:Z'
Vx<2

Cau 19. x—2|=2-x&

= §=(~00;2]. CauD).

x=-2 khix < -1
Vo nghiém khi —1<x<1.

Cau 20. Phuong trinh da cho tuong duong véi
: x=2 khi x > 1.
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S={-2:2}Cau Q).
' Br—=3y =62 x=46
Cau 21. H¢ da cho tuon ducmg véi =
¢ [ Srt3y=372 |y=—2.

Cau A). |
Cau 22. Hé da cho tuong duong voi :
x=0,y=0
L1
«uv_“x, —y@ 1 =4 3 CauB)
3u—-5Sv=4 ]
2u—Tv=>5

Cau 23. H¢ da cho tuong dudng \Zu
x>0,y>0
u__\/_>0 V“\/;>O {u —1<0 (v6 nghiém).
3u+2v=1 .
u+2v=3

Vay S =@ . Cau D).

Cau 24. Yéu ciu bai toan dugc thoa mén khi va chi khi :
m 1

| =0 m?—120 < m==+1.Chu D).
m

o . [9x=3y—1=0 .
Cau 25. H¢ da cho tuong duong voi : : . S=R.CauC).
‘ 9x—3y—1=0
Cau 26. Yéu ciu bai toan dugc thoa man khi va chi khi :
om—4=2 n
= m=1.Cau B).
12-12=0
Cau 27. L4y phuong trinh thi ba trir phuong trinh thu hai. trong hé ta duoc :
x =—1. H¢ da cho tuong duong véi : ‘ ’
x=-1 x=-1
: 2y+3z:5:>- y=1 CauA).
3y+2z= z=1.

Cau 28. Nhan phucmg trinh thir hai cho 2 va cong voi phuong trmh diu ve
- theo vé ; nhan phuong trinh thir hai cho 4 va cong voi phuong
trinh thir ba vé theo vé. Hé da cho tuong ducmg voi
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,—1’2 ~13( |
Y _1e8 .
z=2x—-5y+5 5 -—13 8 '
5x—13y+12=0 = 11 =27 =z=2.
1x=27y+12=0 5 _12’ A
S | 1 12! 7

| :———-——-——————:—-—-:9

4 g 3

Viy (21 ;9 2) la nghiém. Céu C).

Cau 29. H¢ da cho twong duong vdi ;-

X, y,z=0 .
] 1 1 : I
U=—,V=—, w=— Uu+2v+3w=0. lu=-—1
X y z
] i3 0 Siv—w=3 ={v=2
u+2v+3w= ‘ '
, ‘ Tv+5w=9 w=-1.
3u+2v+w=0 : ‘ '
{u4+3v+2w=3

—1-1-;1] CauD)
2

Véy nghiém la

o ‘ : 4—
céu3n.Giéihé,tacé:\/;-2O+13’n \/— 32+4m \/,—~‘ 7m

24
| Do nghiém la élé —1—J nén m=0. Cau A).
36 9 36 ‘
Cau 3 1. Phuong trinh twong duong véi | ,
' ' . N x =1(loai)
X —4x+3=0 khix>0 va x=1 x=3(nhan) -
" ‘ : . = .. CauB).
X +4x+3=0 khix<0 vax=-1 |x=—I(loai) o
' ‘ ' x=-3 (nhz}n).
Cau 32, Phuong trinh tuong du'crhg voi : _
’ : ‘» lx=0
% 2
= >0 |[t=1 =-2
=l —0@' "7 o),
£=5t+4=0 [t=4 |x=-3" ‘
‘ x=1.
129
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Cau 33. Chu A).
Cau34. A'= (m-l—l) (Sm +10m+5) —4(m+1)> <0. Cau C) sai vi
m=—14 A’ =0 : phuong trinh ¢6 nghiém kép.

Cau 35. Cau A) loai vi m=1=x=1, chi cé 1 nghiém. - ‘

‘Cau B) loai Vi’m =—l=x= % , chi c6 1 nghiém.

Agy = (m+2) —4m=m*+4>0Ym.
Ap, = (m+1)7 =Q2m+1)=m?>0 (loai). | o -
Cau C). '
Cau 36. Yéu chu bai toan duge thoa khi :
{m —-3=0

= m=2.Cau B).
(m=3)(m-2)=0 )

Cau 37. Yéu cau bai toan dugc thod khi :
2—-m=0

5 o =m=2.Cau A)’.
2m* —3m+2 =0 (vonghiém)

Cau 38. Yéu ciu bai toan dugc thoa khi :
(m+1) (=1 +(m=5)(—=1D)+4m—2=0 & m=—1.Cau B).

Cau 39. Yéu ciu bai toan dugc thoa khi :

mt—4=0 m=+2 m =2 ‘
5 = .Cau D).
(m+2) —(m? ~4)>0 |4(m+2)>0 - |m>— 2
'l:éu 40. Yéu cAu bai toan duoc thoa khi :
' m=2
im+3>0
2-m=0 m=2 m—2>0 [m>2 CauD)
: =4 AP au D).
m+3<0 m+3>0 m=2 m<—3.
2—m m—2 3
, | <m+3<0
Cau41. A)loai vi m=2 thi phu‘orng trmh chi cé 1 nghiém.
D) loai vi m=1 thi P:——j—=3>0. ‘
: _ m-—2
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a~b+c=m—-24+2m-6+m—-4= 4m~—12 O@m 3(loa1)
a+b+c=m—-2-2m+6+m—4= OVm
Cau Q).

Cau 42. Yéu ciu bai toan dugce thoa khi :

2_ +3
m =90 @{mi = m>3.CauB).
—6(m—-3)<0 |m>3 ‘

Cau 43. Yéu ciu bai toan duoc thoa khi :

m* —m+1= 0 (vonghiém) i )
, © = —32>0 (vo nghiém).

2m—1)° —~4(m2 —m+1) >0
Khéng c¢6 m . Cau D).
Eau a4. Phuong trmh tuong duong (S

x2=5x+4=0 khix>1 |x=4
' : =

A - =>S={—64;1 ;ﬁ}.Céu C).
x*+5x—6=0 khi x <1 ‘ L

x=—6.
‘Cau as. Phuong trinh twong duong véi , .
x>1 x>3
et >3 & 2= SC"C)'
six>3 &ilx=2=x=5.CauC).
Vx—-l=x-3 2
C X =Tx+10=0 x=35

Cau 46. Yéu ciu bai toan dugc thoa khi :

A'>0 ’<:> m* >0 VYm =>m:~1C"4‘C)
au C).
S§?—2p=2 mim+1)=0 |m=0.
Cau 47. Yéu ciu bai toan duoc thoa khi : ,
. 2

=(m+1)" +2m+320 (m+2)" 20 Vm:>m<__§_\,
P=—(2m+3)>0 m<—-§-— ‘ : 2
CéuA).' '

Cauas. A'= m* > 0 Vm : A khong c6 gia tri am. Cau D).
Cau 49. Cau B) sai vi Vm: a+b+c=0 nén (1) luon ludn c6 mot nghlem
bang 1>0. Cau B). '
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Cau 50. Yéu cdu béi toan duoc thoa khi
m¢07‘ m=
2m+1=2 <& i
1=2(2m+1) m=——

. Cau Q).

N | -

. CauS51. Yéu ciu bai toan dugc thoa khi :
Al >0 2 o
- ‘ =(x—x,) =0 & x =x, & m=0.Cau C).
{x,z +x§ —2xx, =0 ( : 2) T ‘
Cau 52. Yéu ciu bai toan duge thoa khi :

0<2m+1<2 (dole(O;Z))@—'?12—<m<%.CéuC).
Cau 53. Do a— b—|—C——O nen nghlem cua phuong trinh cho béi :

=—1<0 (loai)
x> =2m—1.

Yéu chu bai toan dugc thod khi :
2m—1=0 (dé nghiém x =0 duy nhit) < m= % Cau A).
x==1<0

|x* =2m-1.

Cau 54. Phuorng trinh khong thé c6 4 nghiém. Cau D).

Cau 55.‘m>—;:=>x2=2m—1>0@x:i3f2m—l.Cﬁu D) sai.

causs. () o (-1 =0:5 ={-1:1}.

. - " :
) < (P +x+1) +(>+x+1)-12=0
2 _ _
& x2+x+l— -4 |x 1.
x*+x+1=3 x==2.

Szl:,:{~2;l}.

. o,
) < [x+—l-] —-3{x+lJ+z =0(x=0)
L X X

1

| ‘x+;=1 *—x+1=0 R T
L , =x=1. §={1}.CauD).
X



Cau 57. Hé da cho twong duong véi :

‘ x=2y—12
[x:Zy-—lZ , ‘ g

5p2 —70y4240=0 |0 "
= 6.

Vay (4 ;8)>, (0;6) la nghlem Cau C)

Cau 58. Hé d2 cho tuong duong voi :

S+P=8
N SP4:>xy2
SP=16

Nghiém (2;2). Cau B).
Cau 59. Hé da cho tuong du’b’hg‘ \_/(')ij :
‘ . Jx=9
> > )
x>0 V= 0 \/— 4

S=13 = = (81:16), (16 ;81) la nghiém .
P=36 ‘\/;“‘4 -
- r=9
CauD). RN
7 Cau 60. H¢ da cho twong duong véi :
| y—x
x*=3x+2yp o [xz——Sx:O
(x=y)(x+y=1)=0 |[y=1-x
B [xz—x~—2=0.

Hé c6 4 nghiém 1a (0;0), (5;5), (=1;2), (2;—1).CéuD).

'DAP AN CAU HOI TRAC NGHIEM CHUONG il |

. A | 16 A 31 | B 46 C
2 c | 7] . b | 3% C 47 A
3 A 18 | C | 33 A | 48 D
4 cC | 199 D | 34 C 49 B
5 B 20 C 35 C 50 C
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51

52
53

54
55

56

57
58

59
60

36
37
38

39
40

41

42

43

,44

45

21

22

23

24
25

26
27
28
29
30

10

11

12

13
14
15

134



Chuwong V.

.~ BATBDANG THUC
VA BAT PHUDNG TRINH

§ 1. BAT BANG THUT

A. TOM TAT Li THUYET

1. Dinh nghia. | azbg-_?“a._b‘zo;
Co a<b&sa-b<0.
2. Cac tinh chét. L

la<b ' - ;
a) - = a<c. b)a<bs a+c<b+c.
C1b<c ‘
' v a<b
c)a<<b+cea—c<h. d) =a+c<b+d.
‘ c<d
{o<a<b
e)a<b=>ac<b'c (c>0); ¢= =ac<bd.
10<e<d

" a<b=ac>bc (c<0).

g)0<a<bea"<b" (n nguyen duomg)
h)0<a<b<:>\/—<\/~ '

3. Bét diing thic Co-si S B 4
® Va,b>0:a+b>2Jab. M
DAu “=" xay ra khi va chi khi a = 5. -
e Hai sb duorng X va y ma x+y S (hang s6) thi :
: o2

) H.'IZIX 4 2

‘© Hai'sd duong x va y ma xy =P (hing sb), thi:
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(x+y) . = 2P & x=y=A/P.

4. Bat ding thirc chira gla tri tuyet/d(’n .
a) |a +b| <ldl +|b| ddu “=" xay ra khi va chi khi ab > 0.
b) la — bl < ‘a| +|b! dau “=" x4y ra khi va chi khi ab <O0.

‘ x< —a

C)lxlsa@)—aSXSa;lxiza@
Sae-asxsa; isa

B. CAC DANG TOAN

Dang 1. CHUNG MINH BAT BANG THUT NHO BINH NGHIA
. . i

Phuong p‘h:’lp.

e Ap dung dinhnghia: A>B< A—B>0.
e Nhiéu khi két hop phép blen dbi tuong duong dé viéc chung minh-
dugc thuan loi.

2
Vidu 1. Ching minh ring v6i moi a : 4a _<_—l—.
oa+1 2
Gidi
, 2 ) 4 PR
Tacé: ———g—-———l—zzaf 4a l:_(a/ 1 <0 Va.
at+1 2 20a*+1) 20 +1)7
Vay : a <1 \/a
v a'+172
Diu “=" xdy ra khi va chi khi a ‘—1:O¢:>a:::i:1;
Vidu 2. Ching minh rang véimoi a>0,b>0: 1—215\/ab.
a b
Gidi
- Tacé: 2 —Jab = 2ab —Jab = \/— 2\/_];+Z b
: a+ . a

T
a b
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= */"_b(\/“wx/_) <0(doa+b>0)

a+b
Vély: T—-~—1—§\/E
a b

Déau “=" xay ra khi va chi khi a = .
Vi du 3. Chung minh rang Va b,c,d>0 - L
m>\/25+\/_ . w
o - Gidi ‘ | '
: Tacé:(l)<::>ac+ad+bc+bd>ac+bd+2m

< ad +be— 2\/_ \/——>O®(\/_~ JE) >0 (dung).

Vay (1 dung

Dang 2. SU‘DUI\IG BAT PANG THUT CO-S1

Phuong phap

Bétdéngthl’rc Co-si : Va b>0 a+b>2\/_-
Dau “=" xay ra khi va chikhi a =b.

Vidu 1. Ching minh bét ding thirc :

a) Va, b>0:'(a+b)(l+i]24.
: a b

byVa, b e>0: Lylyls 2
: a b ¢ a+b+c

Giai

a) Ap dung Bat ding thuc Cé-si cho 2 s6 duorng, ta co:

a+b>2\/~

l+ l > __._....2
a b Jab’
Nhén hai bét dfm'g thirc trén vé theo vé, ta dugc :
(a+b)[—1-+—]—] >4,
: a b
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b) Ap dung Bat dang thire C6-si cho 3 sb duong, ta duoc :

a+b+c¢>33abc
1.1 1 3
e >
a b N ab
Nhan hai bét dang thirc trén vé theo vé, ta duoc :
' 1 SR | 9

I 1
(a+'b+c)(-—+-—+- >9& —f—t—> .
a b c a b ¢ a+b+c

Vidu2. Chingminhring: Va, b, ¢>0
'[a+b]b+c]c+a]
c [ a )b
Gidi
Ap dung Bét dang thuc Cé-si cho 2 sb duong, ta dugc :
at+b> 2\/5 ;
b+c>2be;
o c +q > 2\/(,-"6; .
Nhén ba bat dang thuc trén vé theo vé, ta dugc :
 Aa+b)b+c)e+a)> 8 ab.bc.ca = 8abc ..
T d6 suy ra diéu phai chirng minh (dpcm).

> 8.

Vi du3. Chobasb a,b,c > 0 thoa abc = 25. Chimg mmh :
| | (14+a)(1+b)(1+¢)>40.
) Gidai )
Ap dung bét ding thirc Co-si cho 2 sb, ta dugc :’ |
I+a> 2\/5; |
1+b5>2b;
1+c > 2\/—

_ Nhan ba bét ding thirc trén vé theo Vé, ta dugc :

(1+a)(1+b)(1+c) > 8/abe = 8425 = 40.
C. BAI TAP

2 2
]
a +1 b +1

Bai 1. Chung minh rang véimoi a, b @
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Bai 2. Ching minh réng véimoi a, b, c,d :
- (a? — 2N —d?) S(ac—bd)z.
Bai3. Cho ba sb a,b,c thoa a>1, b>1, ¢>1 va abc=3$. Ching
minh : ab\/cTI-f-bc\/a—l +acb—1<12.

Bai4. Chobasb a,b,c>0 thoa a+b+c=1.Chimg minh :
| (1-a)(1—b)(1--¢) > 8abc

Bai 5. .Cho basd a,b,¢>0. Chl'mg fninh :

b 1 1 1

) —+— +——>— — =

)bc -~ ab b+c

224 —%9+91’->a+b+c
c

Bai6. Chobasda,b,c>0ma a®+b>+c? =1.Chimg minh :
1+ab+bc+ca>2(a\/_+b\/c—c;+cxf—)

Bai 7. Chobasd a,b,c¢>0 thoa a+b+c=1.Chimng minh :

[1+l]1+‘] !
all b

14— ]>64.
’ “C
‘Bai@. Chobasd a,b,c véi a> c>0vab>c>0. Ch&ngnii,nh :
Jela—c) +elb—c) <ab . a
Baig. Cho a,b, c 14 ba canh ciia mot tam gidc. Chimg minh :

a : b C -
+ + >3
b+c—a c+a-b a+b c

‘Bé_i_lo. Cho a,b,c la ba canh cia mot tam giac. Chung minh rang

phuomg trmh bzx‘ +(b? +¢? )x+c =0 vd nghlem
LO1 GIAI
: a* 1 (a? - l).2 a? 1
Bai1. Taco:—/———= 0=>—F—<= (Va)
o a’+1 2 2(04 +1) a
Tuong tir b <l (‘v’b)
e b*+17 2

139



..
Bai 2.

Bai 3.

Bai 4.

Bai 5.

" Bai 7.

140

Tir do suy ra dpcm.

(a® =) —d?) <lac—bd)’

& a’c? —a*d? - b’ +b*d* <a’c? +b*d? —2abcd

& a*d* +b*c* —2ad .be >0

& (ad —be)’ >0 (dung).

Ap dung Bét déng thitc Co-si cho hai s6 1 va ¢—1>0, ta dugc :

1+(c—1)=c>2Je—=1 = abc>2ab\c—1.
Tuong'tu‘ 3 abe>2beNa—1;

abe > 2cab—1.

Tir d6 suy ra : ab\e—1+bea—1 N

[ < 3abc <12.

Taco: a+b,+c:1::>b+c:1:—a>0. Ap dung Bét déng tbL'rc
Co-sicho 250 b va c, tadugce: .
l—a=b+c>2Jbc;
l—b:c+a22\[gc;;
l—c=a+b>2Jab.
Do dé : (1—-a)(1=b)1—c) > Babc.

1) Ap dung Bét dang thic Cb- si cho 2 s, ta duogc

b _ 2 b 2 ¢ 2
--+—->— —+_->~ L 45z
bc ¢ .ab " a ab bc b :

: b S U B |
Do d6 :2|—+— ]>2[—+——+—]:> dpcem.
046 {bc c Jrab a b c¢ pcm

2) Chl’mg minh tuong tu : be +E[—j£ >2c.
a

Ap dung Bat déng thirc C6 si cho 2 sb, ta dugc : O
a+b>2ab s b+e>nbe s c+ra>2ea.

Do d6 : a+b+,cz\/a—+;/b?+\/5§>0:>

:>a2+‘b2+c2+2(ab:%bc+ca)‘2:ab+bc+ca+

+2(bJac +cvba +abe)
= l+ab+bc+ca> 2(a\/—b_£+b\/£+c\/gl;)§

[1 +—3;][1 +%]{1 J%] > 64 < (a FDB+De+1)> 64a?)'c



ﬂwoC@ﬁ:d+1:a+a+b+cz4#;%;1 ‘ ”‘5
Tuong ty : b+1:b+a+b+c24%£2¥ D
-c+'1=c+’a+brkcz4m. v
Do&h(q+ﬂ%+&ﬂo+02&ﬂq%44=6qu'
xX=a—c

‘Bai 8. Dat !
y=b—c.

Jda+c~+Jcb CV<J~:®vcx+Jjﬁ<JG:ETz137
<@m+q%2£:;<c+@+m+w B

&t =2e\xy+x9>0 ‘
& (e—o) 20 (ing)

Viy (1) ding.

_rytrz
‘ x=b+c—a>0 2
- Baig. Dit: y=c+a~b>0£vbf ;
‘z=4+b~c>0 é_x+y
i | 2 '
Taco: - a + b + ¢ >3

b+c—a c+a-b a+b-c
\ y+z z+x x+y >3

SRENAEN

(ﬂdwgdo—"+y>2
y

] e

N ‘\<

I\/
N

HIN

Z
y_

" Bai 10. A

(b+c ) 4b*c?
%’+C—V%c—a)@2+cy—%m~aﬂ
(

Al

(b+c) ~a)ﬁb ) —aﬂ
b+c+aﬂb+c aﬂb—c+a)b c— d
(a%—b—%c)(b—kc a)la+b— c)(c%—a b) <
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Ta ¢6 A<0 do bat dang thuc tam gidc. Vay phuong trinh vo

nghlem .

- D. BAl TAP TU LUYEN
Bai 1. Ching minh réng vévrikm()i a.b,c,d:
(@ +62)(c?+d?)>(ac—bd)’.
Bai2. Ching minh ring véi moi a,b>0: | | K
. | (a+2)(b+2)a+b)>16ab.

Bai3. Chobasd a,b,¢>0 maa+b+c=1. Ching minh:

| Jaa+1+/4b+1+Jdc+1<5.

Bai4. Cho ba $6 a.b,c>0. Chirng minh .

-

¢
BaiS. Chobbnsd a,b,c, d>0.Ching minh:
\/—_+\/——<\/(a+d)(b+c

' Béi 6. Cho0< b < a. Chung minh :
, o, :
» >4
b(a -b) ~
Bai 7. Cho a>0 va b>0. Chimg minh:

| ”(’1+a4ib)[1+~l—+—1—)29.
a b

1+5]28.
a

Bai8. Cho a>0,5>0 va ab=1. Ching minh :
1 1 4
LT
a b a+b

Baio. Choa,b,c>0 voia+b+c=1. Ching minh :
Ll
| o a b -
Bai 10. Cho a, b, ¢>0 va a+b+c=3. Ching minh :

(a+b)(b+c)c+a)<8.
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HUONG DAN - DAP SO

Bai 1. So dung phép Chﬁ'ng minh bang dinh nghia, chimg minh :
(a® +6*)(c* +d?) —(ac~bd)* = (ad —bc)* >0 Va,b.c,d.

Bai2. Ap dung Bét dang thirc C6-si cho 2 sb vai 3 lan.

Bai 3. ‘Ap dung Bit dang thiic Co-si cho 1 va 1+4a :

C 1+144a=2+4a>2/1+4a =1+4a<1+2a.
Déu “=" xay ra khi va chi khi 1 =1+4a < a=0 (trai gia thiét).

Bai4. - Ap durig Bit ding thirc Cé-si cho 2 s, 3 lan.

Bai 5. Binh phuong hai vé :

\/h+x/—<\/a+d(b+c @2\/(ac (bd) < ac+bd (Cos1)

Bai 6. 'Ap dung Bét ddng thirc Co-si cho a—bva b vacho iz va a’.
- . ' ~ a

7

Bai 7. Ap dung Bt ding thirc Cb-si cho 3 sé, 2 lan.

Bai 8. Ap dung Bit ding thirc Cb-si cho a +b va 5"
a—+

Baig. Ap dung Bét ding thl'l'C‘.C(A)~Si cho 3 s6, 2 lan.
- Bai 10. Ap dung Bt ding thirc Co-si cho a -+ b,b+c, c+a.
E. AP DUNG

TiM GIA TRI LON NHAT GIA TRl NHO I\IHAT cUA MDT DAI
LUDNG NHO BAT DAI\IE THUT

Phuong ph\';’lp

Cho ham sé y= f(x) c6 tap xéc dinh D. Néu ta c6 A< f(v)<B |
- YxeD thi:
m[r;tx f = GTLN(y) =B;

mgnf =GTNN(y) = 4,
véi diéu kién Jx, € D sao cho f(x,)= B (hodc f(x,)= 4).
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; - 2 __ | ,
Vidu 1. Cho ham so y=f(x):‘—9-36———«9—316-il (x>1). Tim “min)y,
. . . X — )
Giai
L 1 1
“ Tacod: y=9x+—=9(x—1)+—+9.
x—1 x—1 . |
* Ap dung Bit dang thitc Co-si cho 236 9(x—1) va , ta dugc :
9(x-1)+——1722\@:6 =y >64+9=15.
‘ T |

‘min y=15 véi 9(x—1):'———l——<:)'|x~1|:—1—
(15 +) " , x—1 3 4

Véy,‘: min y= 15 khi x= j;:

. (1 +)

Vi du 2. Cho ham sb 'y = \/—4/\7Z +12x—8. Tim max y.
» ‘ J)

Giai

Tap x4c dinh : D=[1;2].
Tach: y=+x=1)(8—4x).

. Ap dung Bit dang thuc Co-si cho 2 sé 4x—4 va 8—4x, tadugce:
4=(4x—4)+(8—4x)>2/4(x—1)(8—4x) &1>[y & y<I.

Viy: maxy=1néudx—4=8—4xex= % eD.
D S

Vidu 3. Chohaisé x va y thoa ‘3x——’4y =5. Tim min(_x2 -I_—yz).
' Gidi

' 2
u=x"+y>=x* [3)‘;5] & 25x% ~30x+25—16u =0 c6 nghiém

e A'=152-25(25—-16u) >0 S u>1.
Vay : ~m‘ir1u::'min(x2—|-’y2)=1 khi x':% va y;‘——%.
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BAI TAP

Bai 1. Tim miny v6i D la tdp xac dinh :
D

X2 +7x+19

Ny="TET 20 D=(-2;400).
)y 12 ' ( )
- Huéng din: y=
: x+2
. 5 ,
x°42x+33
) y="———" T D=(1;+o0c0).
)Y 4(x—-1) , ( )
: Hu‘é‘ngdﬁn:y:x+3+ 2 ,.:x~—1\+ 2 +1>4.
‘ - 4 x-1 4 - x—1 ‘
3 y=2p X D=(0;1).
B 1~ . .
Hucmgdan y=4 1——x]+ 1 ]+4>8
x -—_—
2 :
4) )’:xz—#ﬂ%il}—;' D=R.
x4 0
Huéng din : y= x> +4+ =X S +3>09.
_ x40 x? +1
5) y=281x’ -f—v—?)‘; =(0;4+00).
X

Huéng din : y=81x3—|——1—+l+124(‘/§1:12.
X x X '

Bai2. Tim maxy :
D

N2x—4

1) y= : . D::[2;+od).
X .
Huéng dén : Ap dung Bt déng thirc C-si cho 4 va (2x—4).
x : o
2) y= ; - D=1{0; +00).
)y 249 [ )
Huéng dan : Ap dung Bt ding thirc Co-si cho 9 va x%.
(x+1) ‘ B

10- CDT&PPGDAISG10-



Bai 4.

Bai 5.

‘.
Bai 6.
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Huéngdin:x+y=1=u=

Huéng din : Ap dung Bt ding thiic Co-si cho ba sb x, é—, —;—
x? :
4) y=—"7; ‘ D=R.
(x2+3)
2

Huéng dén : Ap dung Bét dang thic CH-si cho 4 — x va x°.

Tim minu véi u=x+ > (0<y<x).
| (x=y)y+1) . |
Huéng din : Ap dung Bt ding thic Co-si cho (6—2x),

(2x—=2y), (y+1), (y+1).

Tim maxu v6i u=(3—x)(4—y)(2x+3y), trong d6 0<x<3

va0<y<4.
Huéng din . Ap dung Bit ding thic Co-si cho (6—2x),
(12-3y), (2x+3y). '

Tim minu v6i u=—+——7, trong d x>0, y>0 va

xy x"+y
x+y=1. .
| (o) (o)
oo x+y

2 2 2 2
) 2xy
X"y +x +y+ Xy

2xy 2 x4y

2 2
S R S A S A B
2y  2x 2xy x4y’

Tim minu véi u’(2+ ](2+ J(2+l], trong d6 x, y, z>0
, X y z) o

va x+y+z—1

Huéng din : Ap dung Bét déing thirc Co-si cho 5 s, ta dugc :
2x+1:x+x+x+y+225w
= (2x+1)(2y +1)(2z+1)>5xpz .

1

::>mi'n:u=125®x=y=z:—§.



Bai7. Tim maxu vdi u:i/;c_+%/;+\3/;, trong d6 x,y,z>0 va

x+y+z=1.

: Huéng dan : Ap dung B4t dédng thirc Co-si cho 3 56 :

x+1+1>33—'— f:>f<£(x+§].

33 ¥
vay u-f+[+f<f

1
Dodo: ma‘xu:h%@@x:y.:z:g.. :

§ 2. BAT PHUONG TRINH

A. TOM TAT Li THUYET

1. DAu nhi thirc bac nhat Bit phuong trinh bac nhit
a) Bit phwong trinkh an x.

f(x)<gx);
f(x)>g(x)

b) Biit phuwong trinh bdc nhit mot dn
- Bét phuong trinh bic nhat mdt 4n ¢6 dang

‘ ax+b<0
ax+b>0
ax-+b<0
ax+b>0.

Tap nghiém : Xét ax +b<0

a>0: S:[—oo;—~b—J.
a

a
¢) Xét diu ciia f(x)=ax+b ‘ ' o

Bét phuong trinh 4n x 13 nhiing bét phuong trinh c6 dang :

(3)

a<O:S:[-—l-)—;+oo]. v ,

(1
(2)

(4)
(5)
(6)
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X -0 - +0c0
a -

(D)

f(x):ax+b Traiddua | 0 ‘Cing déu a-

' d) H¢ biit phuo’ng trinh '

Goi S, va S, la tp nghiém cua bt phuong trinh (1) va bit phu*cmg
trinh (2)

e (1) va (2) cé nghiém < S,NS, = .
- @ (1) va(2) vdo nghiém & S, ﬂS =0.

e (1) tuong duong (2) < S, =S,.

e (2)lahéquacua(l) & 5 CS,.

| 2) D4u tam thire bac hai - Bét phuong trmh bac hai - Hé bat phuong
trinh

" a) Diu ciia tam thtrc bdc hai
Flx)=ax® +bx+c (a=0)
A=b*— 4ac

A<0= f(x) ludn ludn cing déu véi @ < a f(x)>0 VxeR

f(x) c6 nghiém kép x = b

A=0= | 2ab |
f(x) ciing ddu v6i a, V= ——
. 2a
f[—i]:o o an
af(x)>0,Vx=——.
' 2a

f(x) ¢6 2 nghiém x, < x, .
A > 0= {|Khoang ngodi 2 nghiém : f (x) clng ddu v6i a
Khoéng gitra 2 nghiém : f (x) trdi ddu véi a.

o af(x)>0 Vxe(—oo; x)U(x, ;+00)
af(x)<0 Vxe(x;x)
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b) H¢ qua. - Xét f(x):axz-}-bx;f-c (a=0)

a>0

f(x)>0 VX'QR@{A<O.

- (I11y

Flx)<0 VxeR,.@{a<O'

A <O.

-~ B. CAC DANG TOAN

~ Dang 1. GIAI VA BIEN LUAN BAT PHUONG TRINH BAC NHAT

Phuwong phap
_ ax+b<0& ax<—b.
° a_>O:S=[—oo;,—'é]."
. . -oa
[ b ]
©ea<0:S=|——;+00
a
® a=0:0x<—-b
“bh>0:5=0
s h<0:S=R
Vidu 1. Gidi va bién luan bit phuong trinh : m? (x=2)>x—2m. (1)
Giai _
Ta ¢6 : () el =Dx>2mm=-1. )
em=1  :(2) < 0x>0 (vdnghiém). '
e m=—1 1(2) © 0x>4 (v0 nghiém).
e m>1 i(2)(:>(m+1)x>v2m<::>x‘> 2m )
j o m+1
‘ 2m
o —l<m<l :2Q)em+)x<2mex< )
‘ ' - m-1 -
‘ ' : . 2m
e m<—=1 Q)em+)x<2mex>—"—.

m—+1
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Vay: m ==l =

@ —l<m<1

ey
o

I

m<~—.1\/m>1 : S

Vidu2. Giai va bién luin bt phuong trinh : = < (1)
: 2m m 2
Gidi
" Tach: (1),@(3 mx m+l 0. Q)
v 4 2m m »
Lap bang xét déu 3=
: 2m
m 0 3
- 3-m + + 0 -
2m - p +
3-mn _ N B
2m (])
‘ 4
m=3 :(2)@0x§~5 Vx .
m<0vm>3 :(2) @xzw.
, 3—m
O<m<3 Q) &x 2(m+1
Vay: = m=3 R :
c0<m<3 [ ,2(’"“)]. |
sm<O0Vm>3 :S=[~2—(m—J—r-2;+oo].
3—m
Vidu 3. Tim m déhai bét phuong trinh sau tuong duong : |
| (m—=Dx+3-m>0; o (M
(m+1)x+2-m>0. (2)
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- Giai
e Gidi(l): m=1 :(1) & 0x>-2 (Vx).

m>1 (1) @x‘>—n%.

m<1 :(1)4#x<mm"3.
: - om—=1
m<l: §= —()0;21—:-:é .
: \ m—1J.
im=1: S =R
m>1: S = m=3 ; +00|.
m—1’ o '
e Giai (2): m=—-1:(2) ©0x>-3 (Vx).
|  m=2
m> .
+1
m<—-1 (2) & x <m_2.
‘mA1
m<—1: S zl oo,m_zj /
m+1
m=— S, = '
m>—1 :[m—- ]
m+1’
‘ — -2 : .
e m<—1 :S,:Sﬂ:)m‘ S_m = m=735 (loai).
» m—1 m+1 g
e —l<m<l : S, :S2 & (V(‘)inghiém)
e m>1 5=, &7 3:m——2—=>m—5(nhan)
m—1 m+l1
o m=—1 1§, =8, & (—00:2)=R (v6 nghiém).
em=1  :S5 =35, @Rz(é-;?; +<>0J (vd nghiém);
Véy tm=5. |
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Dang 2. GIAI BAT PHUONG TRINH BAC NHAT QUY VE VIEC XET
‘ DAU MOT TiCH HOAC MOT THUDNG |
Vidu 1. Giai va bién luan bét phuong trinh : (x+m)(x—m+2)>0. (1)
" Gidi
F(xX)=(x+m)(x—m+2).
Truong hop 1. m<1. :

x |- m -2 : -m + ¢

X +m - - (l) o+
xX-m+2- -

‘ P+
/) R
Sz(—.oo; 1n—2] U [——m ;‘+oo).
Truong hop 2. m : 1 S=R
Truong hop 3. m>1:

¥ -0oC T m | m-2 + 00
X +m ‘ - 0 + T+
X-m+2 - ~ - 0 -
/) - YR
| S=(—00;—m| U [m—2;+00).
Vi du 2. Giai bit phuong trinh : (x? ——5x+4) >(x? —9x— 4) (n
. Gidi

(1) <:>(2x ——14x)(4x—|—8)>0®2x(x 7) 4(x+2)>0
& 8x(x—7)(x+2)>0.

X T -2 0 7. X
- 8x - - 6 + +
By - ‘ - o 0 o+
x+2 - Q + + +
SN 7777/ SRR 7/, B
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Vay : ; S:[.-Z;O]U[7;+OO). ‘

2)x m—+2

Vidu 3. Giai va bién luan bat phuong trmh PR <0. ‘(1)
Giai
Taco: JURS (—”1-13)-%:—950. - )
- f(x)= (1_n:2(x_~2 d éu ’klen X
xX—m

Tru*c‘m:g hop 1. m=2 : (2)<:; [ ](O) <0 (Vx= 2)‘.

)
Truonghgp2. m>2  :(2)& S <0. B
Béng xét déu e
. - | - —
-1 - - N
X -m - _ 5 AL
ro AN - Y

Blel<x<m.
x—1

X—m

Truonghop 3. 1<m<2 : Q)&

>0. ' | (4)

Theo bang xét déu trén :
(4) = x<IVx>m.

Truong hop 4. m=1 ()& 1>0 (Vx=1).
Trudng hop 5. m <1 2) & X >0.- (5)
X—m
- ]
X -oC m l + 00
-1 - - 3 ’, +
.\‘>— m - ' +
f@ |+ ////////9 :
(5)¢>x<mVx>1
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Kétluan: m<1

: S =(—oc; m)‘U[l i+ 00). |

m=1 c S=R\{1}.
l<m<2 :S=(~o00;1U(m:;+00).
m=2 - §=R\{2}.
m>2 :Sz{l;m).

Dang 3. BAT PHUONG TRINH €O CHUA DAU GIA TRI TUYET BOI

Phuwong phap

A<
o |Al>|B &
A>

e |Al<|Ble—B<A<B.

-B.

Vidu 1. Giai bat phuong trinh : |1 — x| +]x—2|> Ix—4.

Gidi
Béng xét déu : |
X -0 1 2 4 + 0
1 -x + (') - - -
v -2 - - + ‘ +
X -4 - - - 0 +

)
Truong hop 1. x <1’
Truong hop 2. 1< x<2

Truong hop 3. 2<x <4

Truonghgp 4. x >4

(D& x < —1 (thoa).
(1)< x> 3 (vo nghiém).

:(1)@x>§:>-§-<x<4}

(e x>-1 =x>4.

Vay : S:(}—oo;—l)U[é—;foo]‘

Vidu 2. Giai va bién luan bt phuong trinh :[mx —1| < 2m—2.

Taco:
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Gidi -
mx<2m—1 .~
mx>3—2m.

(M

(1)

2)



' Ox<-1 -
Truonghgp l.m=0:(2)& (v6 nghiém). -
. ’ Ox>3

2m—1
. : x <
Truong hop2. m>0 : (2)& "
. ‘ _ ‘ 3—-2m
x> .
, m
et déu - 2m"—1 B 3—2m _ 4m—4. v
. m m m
m - 0 1 + OC
4m - 4 - - 6 s
m - e 4
wmes
m T
O<m {1 : 2m—| < 3= 2m (vd nghiém).
m om :
! * <L 16 nghiem)
m= : vO nghiém).
x>1 ghie .
3-2m 2m—1
m>1 D <x<—.
: m m
- 2m=1
. x>
Truonghop 3. m<0 : (2)& - o -
: 3-2m :
: x< Lo
om
Do m < 0 nén 37 2m < 2m—1 (v6 nghiém)..
: : m m ‘ g '
"Vay : m<l :S=02. ,
m>1 S:[3~2m : 2m—1 '
m m

” n' “' i e . »
Dang 4. XET DAU MGT BIEU THUT

Phuong phap

e Biéu thirc f (x) 12 nhj thirc bac nhét : Xem (I).
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® Bleu thire f(x) 1a tam thirc bac hai : Xem (II).

e Biéu thuc f( x) dua dugc vé dang tich hodc thuong ctia nhidu thua s6

ma mdi thira s 1a nhj thirc bac nhat hoac tam thirc béc hai, ta 14p bang
xét dau.

- Luwu . Ddu cia phéan thirc Q(x) = C;x +m tuong duwong diu cia tich
. xX+n. ' .

P(x)= (:ax+m)(bx+n).

Vidu 1. Cho phuomg trinh bac hai :
(m+5)x —2( (m+1D)x+m* +3m+2= O (1)
Tim m dé (1) c6 :
1) Hai nghiém tréi dau.
2) Hai nghi€ém duong phéan biét.

Gidi
" 1) Yéu ciu bai toan tuong duong véi :
a=m+5=0
,
p_m +3m+2<0‘
- om+5
Béng xét dédu
m - -5 ) -1 . 400
m?+3m+2| -+ + 0 - 0+
m+5 ‘ - + + +
P - W - 7

"Yéu cdu bai toan dugc thoa man khi : m € (—oo; —5)U(—2;—1).
2) Yéu céu bai toan twong duong véi :

m=—5 m=—5;m=—3
A=—(m+D)(m+3 >0 |m<—1
p:ﬂi}_’l’_ig_>0 =N [—5><.n;<—2 (v6 nghiém).
m+5 m>-= T
2(m+1) m<—5
S=——=>0
m+5 m>-1

Véy khong c6 gia tri nao ciia m de phu’orng trinh c6 hai nghiém du'cmg
phéan blet :
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Vidu 2. Xét AABC vudng tai A, sb do cua hai canh cho boi AB’.:|x,|

va AC = {le vGi x;, x, la hai nghiém phuong trinh bac hai

mx* =2(m—=2)x+m—-3=0. ' (1)
Tinh m dé Sn e =2.
Gidi
Theo gia thiét : ’
m=0 ’mki(),m§4 A
AN=-m+4>0 ||m<0 m<0
o m>3 3<m<4
p_m 3>O < |
1 m < 1m<0 = m=—1 =m=-—1.
m—2 ) S
S:‘—Z[‘_'—"'”“}>O m ,n:g (loal)
‘ m m—3 4 5
P=x.x,=4 m |

Dang 5. GIAI VA BIEN LUAN BAT PHUUNG TRINH BAC HAI

Phuong phap

pé giai bit phuong trinh bac hai ta 4p dung dinh li vé dau tam thirc bac
hai (xem bang (II)).

x——3 x—2 < X2 +4x+15

Vidu 1. Giai bit phuong trinh : 1
) P 8 x+1 x—17" x2—1 M
Gidgi |
x =41
Tacod: (1) < 1
| flx)= M_o.
x? —«1
x - -5 -2 -1 1 + 00
24T+ 10 + o - o+ o +
xZ_l + +‘ 4 P -
S (x) 0 - 0 4 - +
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Vay :

S =(—o0; =5]U[-2:=1)U(1: 00). -

X

mx® —2mx+2m+1

Vidu 2. Gidiva bién luan bét phuong trinh : T <l.(1)
. x
Taco: (1) ©{m—1x*=2mx+2m
> <0
x“+1.
& fx)=(m—Dx*=2mx+2m<0. (2)
Truonghop 1. m=1: f(x)=—-2x+2<0& x>1.
Trudng hop 2. m=1: A' = —m* 4 2m .
Bang xét dau
m -0 1 2 + 20
a=m-1 - - I) + +
A=-m2=2m| - + + 0 -
Véy:a m<0 :f(x)<0,‘v’x¢S:R‘.
m>2 : f(x)>0, Vx=>4S=®‘.-’ |
0<m<l :8§=(—00; x)U(x,;+00).
l<m<2 :S=( ‘
m=0 : §=R\{0}
m=72 S=0.

Dang 6. TAM THUL €O DAU NHAT DINH TREN R.

Phuong phap

St dung bang (111).

Vi du 1. " Cho ham sb y= \/3x2 +2(m—4)x—4m+4 . Tim m dé _héim sb
‘ c6 tip x4c dinh R. ' |

Yéu cau bai toan twong duong voi :
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a=3>0 "+ ,
A'=(m—4)+12(m-1)<0

(1)(111—&—2)2 <0=m=-2.

30 +2(m—4)x —4m+4 >0 Vx &

2
s 2 X" +mx—2
Vidu 2. Tim m dé —3§——;——————~—-—§2, Vx.
' Xt —x+1 ;
Gidi

Do x* —Xx+1>0 Vx (a=1>0;A=-3<0) nén yéu cau bai toan
duogc thoa man khi va chi khi : ' A
4x* +(m=3)x+1>0 ¥x _|A =m+D)(m=7)<0
¥ —(m+2)x+4>0 Vx {Azz(m‘—i—6)(m——2)30

; {:éé;ﬁi;ﬁﬂgmgz.
Vidu 3. Chung minhring Va, b : a* +5b> —4ab+2a—6b+2>0.
| Gidi | |
Xeét _f(a)zazf—2(2b¥1)a+5b2‘~6bﬂ—2.Tacc’):
Al =—b* +2b—1=—(b-1)" <0 (¥b).

vay f(a)>0 (Va, Vb) (dpcm).
Dang 7. BAT PHUONG TRINH VO NGHIEM, CG NGHIEM

Phuong phﬁp

e @ Sur dung phép tuong duong : ‘
£(x)> 0 vo nghiem < f(x) <0 Vx.
o o Su dung hai lém pht dinh : :
£ (x)> 0 c6 nghiem < (f(x) <0 (Vx)) :

Vidu 1. Tim m dé bit phuong trinh sau vé nghiém : "
(m+1)x>=2mx—m<O.

Gidgi

Yéu cau bai toan tuong duong vt :
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F

: ) ’ ‘n‘1+1>0
(m+1D)x*—2mx—m>0 Vx & , .
A'=m(2m+1)<0

m>—1

Vidu 2. Tim m dé bit phuong trinh’sau c¢6 nghiém :
mx® —2m—=D)x+m—3>0.
Gidi
Yéu clu bai toan tuong duong v6i phu dinh cia ménh dé
(a=m<0 vdi A'=m+1<0) < phtdinh ménh dé (m < —1) < m>1.

Dang 8. BAT PHUONG TRINH CO CHUA CAN THUT

Phun'ng’ phap
Hai vde_mg co ban : '
A>0
> :
420 B<0
o JA<B=1B>0 | o VA>Bs|
‘ : B>0
A< B s
A> B*.
Vidu 1. Giai bit phuong trlnh
JIx+7 +7x— 6+2\/49x +7x— 42>1—14x, X
‘Gidi
, Tx+7>0 ¢
Pidukién: - 17x—6>0 #xz—i. ()

49x% +Tx—42>0

Tacé: (V7x+7 +Tx—6) =1+14x+24/49x + 7x—42. Do d6
D VTx+7 +Tx— 6 +(JTx+7 +7x—6) —2>0
- t-\/7x—|~7+\/7x 6>0 t§—2(loa_1i)
t+t-—2>0 N tZl
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:>J7x+7+J7x 6>1¢=>1+14x+2\/49x +7x—42>1
<:>\/49x +7x 42 >—T7x
49x% $7x—42>0
[—7x<0 3
—7x>0 _
49x* +7x—42 > 49x’
x<-—1

= -
e -:>x2%(thoé(2)).

\%
o

X

A
(]

x
{ ~  (v6 nghiém)
x>6 .

v

Vay S;[—g;+oo'].‘

Vidu 2. Tim m d bét phuong trinh sau nghiém dung véi moi x :
| X2 —2mxm? 44 <2x—2. 1)
Gidi |

[x? —2mx+m +4>0 (thoa)
(1) e{2x— 220 '

. x% = 2mx + m* +74’_<_4x2—8x+4 :

x>1 -

£ (x) =322 +2(m—4x—m? > 0. ©
Ny = (m=4) +3m? >0 V. "

Yéu ciu bai toan tuong duong véi f(x) >0 nghiém ding Vx >1, tire
14 (2) ¢6 hai nghiém x,, x, thoa x, <x, <1. Piéu d6 xéy ra khi va chi khi :

A'>0 (Vm) ‘ _ o
n—1<0 <« (Xl—l)(x2~l)20 o [T (x1+x2)+1>0
xlzélzo (5 =1)+(-1)<0 |5 +x,-2<0
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3 3 N —m* +2m—5>0 (vonghiém)
2(m—4) m>1 |

Vay khong co gla tI‘l ndo cta m dé bat phuorng trinh thod mén yéu ciu
bal toan :

C. BAI TAP
Bai 1. Giai va bién ludn bt phuong trinh :

. - 2 2 -
x—1(x—2m)-2 ':’/”'1" 350.
x_

Bai2. Giai cac bit phuong trinh :
‘ 0 3'x('x+1)+2(x-l)x 4x(x +1)
, x—1 x+1 '— x* =1
2)—1—+ : 3
x x+4 x+3

Bai3. Gidi c4c bit phuong trinh :
‘ E 15
x4+l

2) x(x+1D(x+2)(x+3)>24.
3y SR < 2x'+-23-+4.
; . X

2/x

Bai4. Giai bt phuong trinh :

D2+ (x+1)’<

‘ 1
‘ > — .
‘x —~4x+3| 2x* ~x~1

- Bai5. Giai bat phuong trinh ;14 x? —4<2Il-—x|

Bai 6. 'a) Chimng mmh l —)-C———t{il <3 Vx.
) 3 x —x+1"
+x+l Lo '
b) Cho ham sb y-——-—-—--~—~—-— Tinh max y va min y.
x*—x+1 : ,

Bai 7. Cho phu(mg trinh bac hai:
: (m—1)x* —2m(m—1x+m(m+3):0
1) Giai va bi¢n luan phuong trinh. .
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Bai 8.

Bai 9.

Bai 10.

2) Tim m dé phuong trinh ¢6 hai nghiém x,, x, thoa
xl 2 x2 <2. '
X2 x
T1m m dé phuong trinh sau day vo nghlem
(m ~3m+ 2),\ ——2(m —5m —l—6)x +m*—4m+3=0.

" Cho bt phuong trinh :

) =(m—2)x* +202m— 3)x+5m—6>0.
Tim m dé:

1) f(x)>0 Vx.

2) f(x)>0 vo nghiém.

3) f( x) >0 nghiém ding véi Vx> 0.

Cho bat phuong trmh / ‘ H—f—x L7 > <m.Tim m dé

. bat phuong trinh co nghlem

Bai 11.

Bai 1.

Tim m dé bit phuong trinh sau nghiém ding v&i moi x :
(x+D(x+3) (2 +4x+1)>m.

LO! GIAI

Piéu kién : x> 1. Bét phuong trinh da cho tuong duong véi :
(m+Dx<—(m+1)(m=3). ‘ [0))

e m=—1 :(1)vdnghiém. _

e m>—1 :(1)= x<3—m langhiém néu:l<3—me m<2.

Vay —1<m<2 2S=(1;3—m).

x>1

9:m<——1 :(1);4:){x>3~_’m

' a) 3—1%1§1¢:>n122 (loai).

b) 3—nf>1_<¢m<2z$x>3—m.
Vay m<—1:8=(3-m: +oo).

Kétludn: m<—1 :S=(3-m;+00).
' —1<m<2:8=(1;3-m).
m=—1 :S=0.
m>2 S=0
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3x(x4+1) 2(x—1)x_ 4 ('2 1) |7t
L 3xix+ x—1)x x\x” +

Bai2. | - > & 2
an“‘ : ]) “x—1 x+1 = xvz——l x(x+1)

(x+1)(x—1)20'

—1<x<0 |-1<x<0
x>1 x>1.
x<—1
0§x<1
g Tém lai : § =(—o0;—1)U(=1;0]U(1; +00).

. x#=0, x=—4, x=—3
'2)l+ SIS NN x+12

¥ xX+4 343, x(x+4)(x+3)<
Lép bang xét dau (nhj thuc hodc tam thirc).
S =(—12;-4)u(-3;0).

2, o
X +x>0:¢

e x>—-1:(1)&

x..._

x|
<0 =

ex<—1:(1)&

= x<—1.
xX— ‘

Bai3. 1)Patr=x*+x+1>0.
K (x1) <—— 5

¢¢m2;p45§0¢¢—§§t§3
x+x+1 2

2% +2x+7>0 (¥x)
= -2<x<l.

Ix2+x~2§O
<

2) bt 1 =x"+3x.

: : 1< —6
x(x+D(x+2)(x+3)>24 &P +21-24>0 & o4

x* +3x+6<0 (vo nghiém)
X2 4+3x—4>0
x<—4

x>1.

=

=

3) Pidu kién x> 0. Dt £ = vx +—— 0.

2Jx

2Jx

v ]
) ‘ <<=
5\/;+—~—5-<2x+-21~+4<:>2t2~—5t+2>0® 2
. X
' 1>2
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Bai 4.

&
4x* —12x+1>0
x<3-2ﬁ
= ‘2
x>t N2
o >
Viy : S:{0;3f2J§L43+2J§;+&J.
2 2 ‘
Diéu kién x =, x=3 x= ——;—
x<—l '
® | 2 (2x2-—x———1>0):
Jx>1

1 ‘ 1
>
. |x2—4x+3| 2xP—x—1
L ' 3% =5x+2>0 [x<-4
= = ,
X +3x—4>0  |x>1

@L\fz——4x+3|<2x2 —x—1

e ——:12—<'x<'1 (2x?—x—1<0) :

| 2711 72 1 1.<i>|x2%4x+3|>2x2—x—1
X —4ax X —X—1

3x?=5x+2<0 2

x24+3x—4<0 3

Hop (1) va(2) : S =(—oo: —4)u[—§-;1]u(l;‘3r)u(3_;'+oo).

x<-2
x>2.
e x>2=x>1(1-x<0):
14+Vx? —4 <2l —xl & Vx> —4 <2x—3
o x*—4>0
&12x—-3>0 =x>2.
3x* =12x+13>0 (¥x)

Pidukién x> —4>0 <

4x* +3x+1<0 (vo nghiém)

=-<x<lI.

(1

)
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Bai 7.

166

e xg——2-:>x~<ll(l—x>0) :

1+Vxt—4<2l—xl e Jx* -4 <1-2x

¥ =420 |
s{1-2x>0 = x< -2
3x —4x+5>0 (Vx)
Viy : S=(-o00: —Z]U.[Z; + 00).
) Do x? —x+1>0 (Vx) (a=1>0,A=-3<0) nén:

2 | 2x—1%>0 |
1<ic—+—x_*;1 <3 Wx & (=12 (dung) = dpem.
37 xM—x417 2(x+1)*>0
b) D, =R
Ham y ton tai < phuong trinh y—-———j—_——il cod nghlem X

x* -x+1
| & (y=1)x2—(y+1)x+y—1=0.
e y=1:(1)conghiém x=0. .
, oy:tl (1) ¢6 nghiém x®A>O¢)(3 y)(3y—1) 0
@lgysii-
3
max y =3 khix:l;miny:%-khix»:—lf
(m—=Dx*=2m(m—1D)x+m(m+3)=0.

=1:(1) & 0x=4 (v nghiém)
mzl: A=m(m—1)(m>—2m—3).
1) Truong hop 1. 1<IZIZ§O : (1) v6 nghiém. |
Trudng hgp 2.m=-1 : (1’) c6 nghiém kép xp=-—1.
m=0 :(1)cénghiémkép x, =0-
m=3 (1) co nghlem kep X, =3.
’ m<—1
Trudng hop 3. |0 <m <1 : (1) c6 hai nghiém phén biét
m>3 '

(1)

(1)



Bai B.

;n( -l)j:\/m(m—l)(m —2m— 3)

X, 27

m—1" ;
i ' m<—1
m=1, m=0,m=-3
xf- x22 . 0<m<1l
2) 5+—5<2&1A>0 =3 >3
xz Vl , . =
(x! —"X;)SO lxl'::xzi
m=—1 | '
A'=0
2N s (lm=3
S=0 o
- m=0 (.lqz;n).
Vay: : : ‘1716{—1'3}

(m —3m+2)x —2(m —5m+6)’c +m’—4m+3= 0
o lt=x">0 ‘

(1)<

) {(m——l)(m—Z)t 2 2m=2)m=3)t+( )71-1)(111 3) =

em=1:2)et=0x=0 (10'11)
m=2:(2)< 0t =1 (v6 nghiém) (nhan).

—5—<1i1<2

o A’<O€> m#l va m=2 -
(m—2)m—-3)(5-3m)<0 3 :
; m>3.
A'>O |
P_m —4m+3 (m=1(m-3) >‘0
® m’ —3m+2 (m=1)(m=-2)
. 2‘(m—_2)(m—3) <0
(m=1D(m-2) - |
o m<2 |[l<m<?2
Xét(6): m>1:P>0<
. , m>3 |{m>3.

m<l1 : P>_~O<:>2v<m<3 (loai).
Xet(7): m>2 : §<0&1l<m<3I=2<m<3.

m<1
m<2'S<O<:>l =m<l1.
'lm>3 :

- Giao cac két qua (5) (8),(9), (10): Vo nghlem

Viy: mé[%;Z’ (3;+oo).

W
0 (2)
G
4
“
(6)
(7)
®

©)
(10)
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Baig. f(xX)=m-2)x"+202m=3)x+5m—6>0. (1 . -
Nm=2:f(x)>0 (¥x)&x+2>0 (Vx) (loai).

a=m—2>0

A" =—m? +4m-3<0

m>2

@«{m<l$m>3.

m=2: f(x)>0 (Vx) &

m>3

2) f(x)>0 (v6 nghiém) ¢:>f(x <0 Vx
a=m—2<0
A':—~mz+4m—3§0
m<2 !
im<l=>m<l.

m2>3

< 1

- Im<1
e >3
m<lla=m—2<0) : f(x)<0‘v’x(loal)
- m>3a=m-2>0): f(x)>0\n:>f(x)>ovx>0(nhan)(2)'
e m=1": ) ==(x+17 <0 Vx>0 (loai).
m=3: f(x)=(x+3)">0 ¥x>0 (nhan). 0B
o l<m<3(A'>0)
 l<m<2 (a=m=2<0): f(x)>0:Vx>0 (loai).
2<m<3a=m—-2>0): |

| A'> 0 (thoa)
FE)>0Vx>04x <x <0&{x<0

(A'<0)

m>2
17— 6
om 6>0v m<§ m>2 ‘
efm-2 e & 6=2<m<3. (4)
2m—3 3 m<—
O m<“" &
m—2 2
m>2
Viy : m>2
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Bai 10. I H—*_x 1+x ><m. L - (1) -

V1+x
x=+1
Dmuhml l—r ‘, =—-I<x<l.
1+x
— I
E Jl+x>2(Comﬁ$t al +x+2
1+x 1—x +x ]—
| _2{1+ 2]+2~
l—x
N ) 12 Lo k o
(l)@f‘l‘)zzﬂ—t,——l<m.‘ - (2)

Yéu ciu bai toan tuwong duong véi : ,
(1) c6 nghiém xe(—1;1) & (2)¢6 nghlem tef2; +c>o)

<> min f<m@3<m

25 +n)
Bat 11, (x+ D+ 3) (2 L ax+1) >, ~ (1)
cPat r=(x+1D(x4+3)=x2 —I—4r+3 Xét didu klencuat
Phuong trinh x* +4x+3 -1 =0 ¢6 nghiém x khi va chi khi :
A'=4-3-1)>0&1>—1.
_ (1) @f(f)ztz ~2t>m
(1) C(')'Anghiém vdi moi x <:>'§11;1Li’13)f >me f)>me —1 2 m.

" D. BAl TAP TU LUYEN

Bai 1.  Giai va bién luan bét phuong trinh : Vx —m (2x —m +2) <0.
Bai2. Giaicac bt phuong trinh : '

1) Il =lx—=2/<2]x—4|. l

)lx~—1|(x'~3)>

Bai 3. - Gidi cac bét phuong trinh :

1)x(x+l)<-J-2—~
2+ x+1
2)_1<L0_._._.__3_%f__£<1_
—x?43x-2
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Bai 4.

Bai 5.

Bai 6.

Bai 7.

Bai 9.

Bai 1.

Bai 2.

m '< —2:85=

2) x<1:

3) (x+l)(x+3)(x+5)(x+7)+15 <0.
Giai céc bat phuong trinh sau :
1) x* =3lx—1+3<2x.

<2.

2) _ L
Jr+3x—2 Jx—-V3x-27

]

Cho p‘hudng trinh x> —2(m—=2)x+m*>—9=0. Tim m dé_

phuong trinh c6 hai nghiém thoa: 0<x, <x,<2.

Cho bét phuong trinh (m?—m)x* —2mx+2>0.Tim m dé:
1) Bit phuong trinh nghiém dung voimoi x.

2) Bét phuong trinh ¢ nghlem

Cho bét phuong trinh x* — 2x + (m — 2)°>0.Tim m dé:

a) Bat phuong trinh nghiém dung v&i moi x.

b) Bat phuong trinh vo nghiém.

¢) Bt phuong trinh nghiém ding véi moix < 0.

Cho hai bat phuong trinh : 2 =2m+Dx+m(m+2)<0; (1)

| X 2m=Dx+mm=2)>0:  (2)
Chuing minth véi moim , (2) 1a bat phwong trinh hé qua cta (1).

Tim m dé& bit phuong trinh sau ddy nghiém ding véi moi x :

(3x2— 4x)2 + (3x2 — 4x)—— (Sm‘? - 3m) >0.

HUGNG DAN - DAP SO

x>m

\/x—‘—m‘(2x—m+‘2)§0<:> <m-2

X

in:—z:S={~2}. -

m——Z]
" .

n;z>~—_2‘:ﬂS:'sZ.
1) S=(——~oo;3]U[4; +00).

%2 —d4x+2

—_— > — >0:>x<2 \/—‘
lx—1(x—3) x:—4x+3



Bai 3.

Bai 4.
BaiS.
Bai 6.
., Bai 7.

Bai 8.

Bai 9.

Bai 1. -

Bai 2.

1 _ ()c——Z)‘;2 : .
Sl >l o= > 0= x> 3.
lx—11(x—3) x> —4x+3

Viy : S:(—oo; 2——\/§>U(3; +00).

X

1) -3<x<2. ' 2)—§<.x<()vﬁ<x<

3) —4—+/6 < x<—6.

1) ~1<x<0V2<x<3, 2)§§x<-1vx22.

3<m§—]i;
4

) m=20
im<0vm2=>2

2) Vm.

1)y m <1Vm>3. : 2) Khéng co m.

3) Vm. ‘

=>m<0vm>2.

Huéng dn : Vi (m; m+2)C(m: +00) (Ym) = S, C Sy, (¥m).

. x . \ ) A A \ s
Hudng dan : Dat r=3x>—4x va p=5m"—3m. Yéu cau bai

toan tuong duong voi :

. . 1
f(t)=1¢*+1> p nghiém ding Vr > —_% &S p< e
<:?—1~§m<—]—.
10 2

OGN TAP CHUDONG IV
~ A. BAI TAP TONG HOP |

Ching minh rang v&i moi a, b, ¢, d€R :

\//a2 + b? +Jc,'2 +d* > \/(a +c)2 +(b+d)2 .
a, b, ¢ 13 ba canh ctia mét tam giac. Chimg minh rang :

alb—c) +blc—a)’ +cla+b)’ > +p +¢3 .
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. Bai 3.

Bai 4.

Bai 5.
Bai 6.

Bai 7.

AN
Bai 8.

Bai 9.
Bai 10.

. .
Bai 1.

..
Bai 2.

172

Cho pliu‘ong trinh  ax? +bx+c= 0 (a. b, c= 0) va gia su
phuong trinh c6 hai nghiém duong x,, x,.

1) Ching minh phuong trmh cex’ +bx+a=0 cung co hai
nghiém duong x;, x, . :

2) Ching minh X, +x, +X; +x, > 4.

Chung minh rang véi moi a, b>0 :

I

DAu “=" x4y ra khi nao.

a, b, ¢ 1a 3 canh ciia mdt tam gidc. Ching minh :
ab+bc+ca< a2 +b2+c? <2(ab+bc+ca).

Gidi va bién luén phuong trinh : | ‘

(m—1)x*— 7m(m—-l)x+m (m +3) =

Chimg minh ring Vx Vy x* +3xy +3y° +2x+2y+3 >0.

Cho phuong trinh (m? —1)x* —2(m2 -2‘m))c2 +m* —4m=0.

Tim m dé phuong trinh c6 4 nghiém phén biét.

Tim m dé hai phuong trinh sau tuong duong :

X —(m+D)x+m<0 va mx* —(mz +l)x+,m <0. .
Cho bt phuong trinh :1—v1—x* <m+x*. Tim m d&:

1) Bzfit phuong trinh ludn luén nghiém ding.
2) Bat phuong trinh ¢6 nghiém .

HU‘O‘NG DAN DAP sé

Su dung phép bién dm tuong duong

\/a +b~.+\/c*+d2 2\/ a—l—c-) +(b+d)

& \/(a2 +b%)(c,2 +d?) >ac+bd < a*d? +bzcz'2 2ad .bc
e lad —be)’ >0 (dang). |

Sir dung dinh ngha.

_a(b~—c)2_+b(c~—a)2 tela+b)} =+ +3 =



Bai 3.

Sa g
Bai 6.

Bai 7.

—_-(a'—f—‘b—c)(l)‘+c—a)(c+-a~b)>O.

1) Theo gia thiét :

A =b"—d4ac>0 PAZ::bZ——4ac>0
JR=5>0 |B=%>0
a | c
Sl:—2>0 S2=—2>0.
a c

2) Ap dung Bét dang thirc Co-si ta dugc :
X +x, >22{R; x3+x422\/}52_‘

Suy ra dpcm. ' ' |
Lu§ thira bac 3 hai vé va dung Bat dang thuc Co-si. Dau “=" khi
a=b. ‘
Vé trai ; Ap dung Bét dang thirc Co -si cho 2 s, 3 lan.
vé phal Thém hai vé a® +b* 4+ c* va su dung bét ddng thirc tam
giac. '
: (1) vo nghiém .
: A’—-m(m——l)(m2 —2m—3) véi m=1.

AN=0em= OVm;—IVM-—3

m=1

m=1

Két luan :

—l<m<O0VI<m<3 :Vonghiém.
m<—-1V0<m<1Vm>3 2 nghiém.
=~—1:Nghiém kép x = —1.

'm =0 : Nghiémkép x=0.

m=3 : Nghiém kép x=3.
Xét d4u tam thirc (véi 'y 12 tham sb) : )
) =X +(3y+2)x+3y> +2y+3.

- Phuong trinh da cho c6 4 nghiém phén blet khi va chi khi :

a=mt—1=0 ‘
A'=5m*—4m>0 m<—1
: 2
P-_:’_"__if.’ﬁ'>0 :>i<m<1

m-1 5 :

2 _ m>4.

S=2(m2 2_m)>0 .
{ m -1
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Bai . n}:l:S,#{l}l
tm<1: 8§ =[m;1]
m>1: 8§ =[1;m]

(m=0 : 8, =[0; +00)
o
m<—Iv0<m<l: Szzlm;—-!—
, ' ~ m
7-—l‘<m'<0\/m‘>l"-: S, = —L;m]
m=1 .S, =1{1}
m=-1 S5, =1-1}.

Hai phuong trinh da cho tuong duong khi va chi khi :
S=8<m=1

—1<x<1

Bai 10. 1—\/1——x2§m+x2_<:> t= l—xz_ZO
f)=t*—t<m

1) Bt phuong trinh nghiém ding Vx € [+l ; 1] = ma)ﬂf = 2~§ m.
) : o . =14

2) Bét phuong trinh ¢6 nghiém x€[—1; 1] < [mll'r!l]‘f =——<m.

B. CAU HOI TRAC NGHIEM

caui. Choa>bwvac tuy y. Cau nao sau day dung ?

A)a—c>b—c. B) a’ > b*.
olol D) 452 (c=0.
a b c c
€au 2. Cau nao sau day sai ? ‘
la<b |0<a<b
A) =a+c<b+d. B =a.c<b.d.
c<d , T |0<e<d

. <b | o _ :
C)'{a<d:>a—c<b-—d. D) 0<a<b=+a<b.
. 4 C )

Cau 3. Cau nao sau day dung ?
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Cau 4.

Cau 5.

’ Cau 7.

Cau 8.

A)

|

a<b
o<

C) c<a<b:$ac<bc.

=a.c<b.d.

B)

{0<a<b a

a<b
D) { =>a<c.
b<c ‘ :

Cho b <0 < a. Cau nao sau day sai ?

A)a—b>0. B) —a<—-b.
C)ab>0. D) ab<0.
Cho £ <0 <a. Cau nao sau day dung ?

A) —a>b. B)a>-b.
Cy a’ > b%. D) —a<-b.

Cau nao sau day ding ?

B) ¢’ +b° < a’b+ab’
C) a’ +b3'2.azb+ab2

CA) & +0° > b+ ab? Va, b.
Va, b.
Va, b>0.

D) Khéng ¢6 ciu nio dung ca.

A)JZBS“'ZM.

2 a+b
—_——<
O) _l_ - l— >

a b

Véimoi a>0:5b>0, cu ndo sau day ding ?

B) 4 2 1 <ab .
— = ’
a b

D) C4 3 cau déu dung.

¢

V&1 moi a, b. cau nao sau day sai ?

fa+b ?

2

C Vi 4 4

Q) a—i—bJ <@ +b ‘
2 2

2, .2
Sa +b_

Céu nao sau day 'sai ?

1 .‘
A)ya+—2>2 Va>0.
a '

B) (a+b)

a

‘ 3 3,43
B)[a+b,] Sq +b
' 2 2.
D)L <l

a +1 2

l+,—;;}24 Va>0, b>0.

2.0
O<c<d ¢ d



C) (a+b+c)[—l—+—[1;+~l—]z9 Ya>0,b>0, >0
a c,

D) C4 3 cau déu ding. |
‘ N

) £ 0 4a : b N A’ “" LTI L
Cau 10. Néu — —a > Jb —— thi ddu “= xay ra khi nao ?

Jb Aa

A)a>0,b>0. B)a=b. ,
C)a=b>0. D) Déu “=" khong xay ra.
Cau 11. Cho 3 ham s : ‘
' | , N \ o xPE2
My=f)=x"-2x43. (1) y=g)="—=.
. x°+1
(1) y = h(x) =22
\/)__cz +4
Cap ham sé nao c6 ciing gi4 tri nho nhat ?
A)(hvadn. ~B) () va ().
C) (1) va (III). | D) Cé 3 ham sb.
o . . x*+5
Cau 12. Dé tim gi4 tri nhé nhit cia ham s6 y = f(x) = —— . Mot hoc
‘ ' x°+4

sinh 1ap ludn nhu sau :

() D, =R va f(x)= NI

1
VX2 +4 .

(1) Ap dung Bét déng thic Co-si cho 2'sb duong, ta ¢6 f(x) > 2.

Déu “=" xay ra khi va chi khiyx*+4 = & xt=-3 (vd
‘ : X’ +4 :

nghiém).

(I11) Vi ddu “=" khéng xay ra nén ham sb f khéng dat gia tri nho

nhét. v ‘ o

Lap luan trén, néu.sai, thi sai tai :

A)y@M. . , B) (IL).
C) (). . D) Lép luén dang.
: g P+ 2x : s
Cau 13. Cho hamso y :f__j'__\_lﬁ (x>—1). miny bing :
x+1- .
A2, B)0. :
O L ’ D) Keét qua khac.
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Cau 14. Cho ham sb : y=x+ 4 (x>1). miny béng:

A)2. | B) 4.
C)s. D) Két qua khac.
Cau 15. Cho ham sb y= (r+2)(x +3) (x>0). miny bing:
Xo :
A) 4. : B) 6.
C) 16. - D) 18.
Cau 16. Cho ham s y—~i+r- (0<x<1). miny bang
x X ,
A)2. 'B) 4.
C)8. . ' D) Két qua khc.

Cau 17. Cho 3 ham s6 ¢6 tép xéc dinh (2; +o00) :
| 18 . x> 36

I (x )— I y=glx)=—+ .
()y f ().)»,;326."4 7 2
, : + 32
) y = h(x) = =
(1D y 4(x-2)
Ciap ham sb nao c6 gia tri nho nhat bang nhau ?
A) (I) va (ID). B) (II) va (I1I). )
C) (I) va (1II). ‘ D) Ca ba ham so.
€at 18. Cho 3 him s ¢6 tip x4 dinh D =(0; +o0) :
| L N 2x+4
W y=fl=2"+ (I y=glx) ===
() y=h(x) = 43
)C
Céap ham s6 nao ¢6 gia tri nho nhét bing nhau ?
A) (I) va (ID). : ‘B) (II) va (11I).
C) () va (III) D) Khéng cé cdp nao.
Cau IEI.LCho ham sb y = : x-l (x>1). max y bing : -
. x )
1
Al ' B) —
) - =
0)2. D) 0.

Cau 20. Cho ham sb y=lxlV1-x? ‘(—ISxSI‘). méxy bing :

_ 12- CDT&PPGDAISG10
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A)O0. B) 1/2.

oL D)2.
Cau 21. Cho ham s6 y =- ad > (x>0). maxy bang :
- 1)
A)O. - ’ B) 1/2.
Q) V4. D) 1.
. Cau 22. Cho ham s y = 2x - (x>0). maﬁ(y bing :
x“+4 : N
A) 1/4. B) 1/2.
Q) 1. D) 2.

Cau23. Cho A=(3—x)(4—y)(2x+3y) véi 0<x<3,0<y<4. Bitu
. thirc A dat gié tri 16n nhit néu cap (x: y) bang :
A) (3;4). - B)(0;2). |
C) (0;4). D) (3;0).
Cau 24. Téap nghiém cua bat phuong trinh
\/x2 +4x+4 +‘\/x2 —2x+1>1

la: | |
A) (—o0;—2). B) [-2;1]. .
C) (15 +00). | D)R. '

Cau 25. Tap nghiém cua bét phuong trinh

CJrra-afit 4 frr8-6/x—1 <1

la:
A) @. B) [2;3].
C) [5;10]. D) [4:9].

Cau 26. Cho bt phuong trinh theo 4n x : m*(x—1+2x>m3x—1).
Vé&i 1< m <2, tdp nghiém cua bét phuong trinh 14 : ’

A) @. B) R.
C) (—-oo; —1. D) [L;-i—ooJ:
m—2 . m—2
Cau 27. Cho bit phuong trinh _H—I-' ml>1~. Dé nghiém coa bat
) . : ‘ X X — :
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phuong trinh 13 tap S = (1 ;+oo) ta chon m :

Ay m=0. B) m=1.

C)ym>1. D) Khéng c6 m .
Cau 28. Cho hai bit phuong trinh 1 (m—1)x+3—m > 0;

(m+Dx+2-m>0
pé (1) tuong duorng (II) ta chon :

Aym=3. ‘ B) m=2. ‘

C)ym=5." . D) Khéng c6 m .
Cau 29. Nghiém clia bt thrOng trinh /x —</x—1 > —j—_—— la:

X

A) x=1. B B) x>1.

C) o. S D) 0<x<I.
Cau 30. Tép nghiém cia 1+vx—3 <[2—x| 1a:

A) [3;+00). - B) (4;+00).

C) 2. - D) {3}.

Cau 3 1. Cho 4 bit phuong trinh :

A) (x—D+/x(x-2) <0. | B) x—1vVx./x—2<0.
) lx—1Wx(x-2) <0. D')(xmlx/}{/x 2 <0.

Bét phuong trinh nao cé tap nghiém khéc rong ?

)
(1)

Cau 32. Nghiém cua bat phuong trinh (x ——6x+9)(——x +4x— 4) > 0 la:

A)x=2 B) x=3
C)x—<2,x =3. D)x23.
Cau 33. Nghiém cua bt phuong trinh (x? - 6x+9)(x? +2x+ 3) >0 la:
A)x=3." ' B) x=3. :
C) V6 nghiém. - D)Moi x.

Cau 34. Bét phuong trinh (2x+1)* <(x—2)* ¢6 tp nghiém 1a :

,A)'—%;+oo]. ' B) [2; +00).

o 1y o)

‘Cau 35. Tap nghiém ctia bit phuong trinh |2x—F 4> \Jx* —6x +9 1a:
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A) (—oo;—7)U[:——;—';+oo].‘ B) [—'7:—1].

3
C){ 1]u('7-+‘<>o‘) D) l-7]
| 3) 0 A
Cau 36. Tdp nghiém cua bat phuong trinh lx ——5x+2l+2<5x la:
A) (-00;—2]U[2;+00).  B)[-2:2].
C) (—o0; ] [10;+00). D) [o-lo] '
Cau 37. Tép nghiém cua bt phuong trinh \/9x —30x+25>2x la:
| 5) 5
A)i—1;—]. - B) |——;1].
[3) ool
' 5
C) @. D) (—oo;—z]u(l;f}—oo).

Cau 38. Cho tam thic bac hai f(x)=ax*+bx+c (a=0). Cau ndo sau

day sai ?

a>0
A) f(x)>0 Vx®{A<O.

B) a.c<0= f(x)=0 c6 hai nghiém phan biét.

A <O0.

a<0
C) f(x)<0 Vx@{
D) Ja:af(a)>0= f(x)=0 vd nghiém.

+2x+1

Cau 39. Dé giai bit phuong frinh 2210 >2, mét hoc sinh 14p luén
| nhu sau :
(1) Biéu kién dé bét phuong trinh ton tai : x = +1.
(I1) -x—inl-ﬂn & x +2x+1>2(x ~1) & x? ——2x 3<0.

(III) Xét déu tam thirc va chon nghiém (—1;1)uU(1;3].

Hoi 14p luén trén néu sai, thi sai ¢ budc nao ?

A) (D). , B) (1II).
C) (I1D). ‘ D) Lap luén dung

Cau 40. Dé phuong trinh x? —(4m+3)x+m> =0 c6 hai nghiém thoa
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. X <—1<x,, tachon:
A) m=-2. ' - B)ym=0
C)mtuyy. - D) Khong c6 m .
Cauail. Dé phuong trinh ‘(m +2)x* =2(m +V»4)x —Hn +8=0 cb mot
nghiém thudc (1;2) va nghiém kia khong thudc [1;2] ta chon :
A) m<—=2. : B) m>-2. '
_ C)ym<0. C D)m>0.
Cau aa. Dé phuong trinh x? —2(m+ 2)x—|—m =0 c6 hai nghiém thoa
‘ 1< x, < x,, tachon: ‘
, A)m>3. . B) m<3.
C)m>-—1. . D) —1<m<3.
Phuong trinh :(m—1) x> —2(m—2)x 4=0 (1) duorc ‘ding cho
cdc cAu 43 — 47. '

Cau 43. Dé (1) ¢6 ding 1 nghiém duong ta chon :

A) m=1. , - B)m=0.

C)m>1. D) Ca 3 két qua trén.
Cau 44. Dé (1) c6 2 nghiém trai ddu va c6 gia trj tuyét d6i bing nhau, thi :

A) m=0. By m=1.

C)m>1. ‘ ' D) m=2.
Cau 45. Dé (1) cd 2 nghiém xl, x, ‘thoa —1—+ 1 > —1 tachon:

Xp X

A)m>l B)m<l.

C)m>4. D) m<4 vam=1.
Cau 46. Dé (1) ¢ 1 nghiém gip doi nghiém kia thi :

Ay m=2. ‘ B) m=—

Q) _m=—l~. - D)mz—-le:_l.

2 v v 2

Cau 47. Pé (1) c6 nghiém, ta chon :

A)m=1. - B) m=1.

C) Moi m . D) Khéng co6 m .

Phuong trmh x* — 2mx? +4m 3=0 (2) dung cho céc cau tur 48
dén 50 :

Cau48.Dé (2)co 4 nghiém phéan biét, ta chon :
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A)m>0. B)m<l\/m>3.

C)m>%. D) — <m<1\/m>3

Cau 49. Pé (1) vd nghiém, ta chon :

' A)yl<m<3. B)1<m<3.
C)ym<0. , D) Khéng c6 m.

Cau 50. bé (1) ¢6 dung 2 nghiém, ta chon :
Ay m=0. B)m——l\/m 3.
O m<%. ‘ D) m<%\/m=le=3.

caus1.bé f(x) = (m2+1)x* =2(m>=2)x-1>0 Vx, ta chon :
A)ym=0. . Bym=+V2.
"C).Khong cé m . -~ D) VYm.

Cau 52. Cho ham s y= ! .DPé ham s y c6

\/x —(m+3)x+m +m+2
tap xac dinh R, ta chon

A)m<—~§—. v B) m>1.

1 1

C) —§<m<1. D) m<—§Vm>l,
Cau53. Pé 0< u-z—’?—l%i_—{ < 2 nghiém ding Vx, ta chon

, X"+

A) |lml<2. - B) lm|>2.

C)m>0. D)ym==£2. .

Bét phu'orng trinh (m+1) x? —2mx—m <0 (3) dung cho hai cau

54 - 55. : ‘
Cau 54. Dé (3) vo nghiém, ta~ chon :

A) —lgnzSO. B) ~l<rm<0.

2 2
C) m<~—;-Vm>O.' . D)y m>-—1.

Cau 55. Pé (3) c¢6 nghiém, ta chon :
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~A) -—;—§m§O. | B) —%A<m<0.

C)m< —-—;—\/m >0. D) Két qua khac.

Cau 56. Cho bit phuong trinh x> —2(m+2)x+4m <0. Pé bit phuong
trinh nghiém ding Vx €[0; 1], ta chon : | '

A) m=0. : B) m<0.

C)mS%. D) Vm.

Gia thiét sau ding cho cac cau tir 57 dén 60 : Cho hai bét phuong =

trinh : B . :
\/-I\/x—l+4~\/\/x—l+l‘21; v , (1)
X —x+ml-m<o0. (2)

Cau 57. Tap nghiém S, cia (1) 1a: |
A) S =1{1}. B S =[l;+00). °

C) §=0. D) §,=R.
Céu 58. Tap nghiém S, cua(2)la: |
1 L X o1
S, ==} voi m=—. I S, ={1-m; m| véi m>—.
(),{2} - DS =(l—mim] 3
(1) Sz :[m; 1——m] voi m <%.

~ Khéng dinh nao sau day dang ?

A) (D). B) (D).
C) (110). ) D) Ca3déudung.
Cau 59. Pé (2) 14 bét phuong trinh hé qué cta (1) thi két qud nao sau day
ding ?
A)m:%.f - B)nm<0.
C)m=>1. “ ' Dym<0Ovm>1.
Cé‘nq 60. Dé (1) tuong duong (2), ta chon : . |
A)m:-;-. , "~ B)ym<0.

C)m>1. D) Khéng cé m .
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C3es 1.

Cau 2.

- Cau 3.

Cau 4.

Cau 5.

Cau 6.

184

GIAI THIiCH - HUONG DAN

3

CauB)vaC):Cho a=3.b=-4
a>b=9>16 (sai). ‘ -a>b¢%<—i— (sai).

Cau D) : Cho a=3b=c=—4

b s The 35 (sai).
. 4 4

"Chon cau A). *

~Phéan vi du.

A, ja=0<b=2 _ o A
CauC).{C:_2<a,:1:>a—cm2<b dfl(sal).CauC).
e fa=—1<b=1 o
CauA).{C:__4<d:2:>ac—4<bd—2(sal). ,

.o [0<a=10<b=15 _a b .
CaUB)'{O<c:1<d=3 :>C—10§~62-—5(sa1).

CauC): —2=c<a==-1<b=3=ac=2<—b=bc (sai).
Cau D).

Cau C) sai vi a va b trai diu nén a.b < 0. Pép 4n : Cau C).

Cho b:'—'l<O<a::2::$>—avzy—2>b:-l. Cau A) sai. -

Cho b=-3<0<a=2=a=2>-b=3. Cau B) sai.

Cho b=-3<0<a=2=4a>=4>b>=9. Cau C) sai.

Céu D). ‘

Cau C):

a’+b’>a’b+ab’ & a’ +b’ —a’b—ab> >0 Va,b>0
s (a-b)a>~b?)>0 VYa,b>0

| &(a—-b)(a+b)>0 Va,b>0
Pung Va, 5> 0 do (a—b)* >0. Vay chon cau C)..
Cau A) : Bit dang thic Co-si. |

, : 2 k \
CﬁuB):(a—I—b)[lﬂ'—%—JZ{{:} ab ~\/E§0 '

a a-+b ,
@—‘/Eg(a+b—2\/£)so.
a-t+b



Bit dang thirc cudi cung ding do a+b>0 va a+b>2\/

(Co-si).
A (ding) va B (dung) = C (dung) do tinh bic cdu. Cau D).

Cau 8. XétciauB):
a+ b]3
2

a&+b P +3aPh+3ab? b &P +b°
=73 © 8 2

<0

2 5
= —é— (@a—b) (a +b) 0.
Bat dang thie cudi cung chi dung: néu a-+b>0:

‘a+b
2

Viy ) < “z*‘b véimoi a, b 14 sai. Cau B).

Cau 9. Chiu A): Bét dang thirc Co-si v6i hai sb duong a va l/a.

A . 11
Céu B) : Bat dang thirc Co-si v6i hai s6 duong a+b va — +E.
a

Cau C) ‘Bit dang thuc Co S v01 hai sb duong a+b+c va

I 1 1
—+—+—

a b ¢
Cau D).

a>0,b>0

cau10. -~ Ja>h-L ol a
~ Jb Ja f J«>f+f

a>0,6>0 _
T\ (Va=vB) (a+vb) =0

' s 0,6>0
: Dau“"”xayla @{a\/? \/ZZZ— O:>a.-b>0 CauC)
- ) =

Cau 11. ‘f(x :'(x»—l)2+7>2' min f'—2¢:>x—l.»

g(x)=+/x’ +
: ‘ +1
ming:2<:>\/x2+l::——-;l-—~ & x=0. .
o x +1 .
h(x)= x4+ 4+

e > 2 (Co si) ;

>2 (Co-s1) ;
x° +4 o



minh=2<« & 2 4+4=1(vd nghiém).

1
Jxi+4
Vay minh=2.
Cau A).
. cau 12. Cau C) la sai : vi diu “=” khong XAy ra thl mmf = 2 chir khong
pha1 ham f khong dat gia tri nho nhét.

x4+ 2x+2
x+1

13. y= =x+1 (x>-1).

miny=2&x+1= = x=0. CauA).

x+1

Cau 14. (x>1). y=x+

4 ~=x—‘—l—i—~—~—~4 +1>5.
x—1 )

x—1
. 4 .
mmy=5@x——l= l<:>x:3. Cau C).
cau 15. (x>0). y= w +16+10>18
X X ,
W 16 . A
miny =18 & x=— < x=4. Pap an : Cau D).
. x‘. ’
L 4 1-=x x
Cau 16. (0<x <), y= =4 + +4>8
x l1=x . X I—x
. 1—x X 2 .
miny =8&4 = =—. Cau C)
U ox l1—x 3
Cau 17. f(x‘):f—i— 13 :xw2+ >1‘8 +1>7
2 x—-2 2 x—2
m1nj——7<:>x~2: 18 & x=38.
2 Xx—2 )
2 2 .
..._—4 .
gl)=2 420 2 304157,
4 x*—-4 4 x°—4 :
2‘ R
ming:7¢:>x 4= 236 S x=4.
4 x°—4 S
CxXP 4140 XX —4+144  x+2 36
h(x)= =
. 4(x-2) 4(x-2) 4 x-=2
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x—2 36

4 . x-=2

minh=7e 230 14
4 x—2

+1>7.

Cau D).

Cau 18. f(x)=x-l‘~-l~22 ; 1ni11‘/‘=24r>x4———1~®x21.
x A x ..
| nn
g(x)=2x’ R +—1—-+—l-+—+—-26.
x x x x X

ming = 6 x’ =~ & x=1.
, ‘ X
|
]1(..)6):)63 +i:x3+l+l+_24
' X X x x

minh=4®x3zl¢>le.‘

x
- Cau D). _
Cau 19. Ap dung B4t dang thirc Co-si : :
, : | o |
I+ (=D =x> 2051 (x>1) = y= Y2 <

maxy:—jlé-<:§l=x—~l<:>x:2.‘CéuB).
Cau 20. /\p dung Bét dang thirc Co-si :
A +(1=x)=1>2lxdV1-x* = y=ldV1-x <-2- |
1 2 2 I 2 ~ ’
max.yzzéﬁx =1—x ’©x=j:~—2——.CauB).

Cau 21. Ap dung Bit ding thirc Co-si :

1
x+1>2dx & (x+1) >4x=>y__

<— @x—l CauC)

x+1)

cau 22. Ap dung Bét ding thirc Co-si :

al <1®x =4 x=2. CauA).

x> +4" 4

X +4>4x = y=

- Cau 23. Ap dung Bét dang thirc Co-si cho 386 6—2x,12—3y, 2x+3y
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1I8=6—-2x+12— 3y+7x—|—3y>3\/ A=A<36

o 6—-2x=12-3y
6—2x=2x+3y

@{X"M’O Cau B).
y=2. .

Cau 24. \/x2~|—4x+4+\/x2—2x+1>1®]x+2‘|+[x—1|>1.‘ (1)
x<2 (1) @ x<—1 nghiém x <=2
=2<x<l1 (1) ©2>0nghiém -2 <x <1
x>1 (1) & x>0 nghiém x>1.
Viy S =R. CauD). , o
’ x>1
Cau 5. \x +3— 4F+x/r+8 6JT—1<1<:> t=x—1>0
=2l +l—-3l<1. ¢
r<2. (1) &t >2 (loai). '
2<t<3 (1) <= 1<1 nghiém 2<¢<3
t>3 (1) &1 <3 (loai)

vay'-2<\/_'T<3¢>5<x<10 Cau C).

Caud. m*(x—1)+2x>mBx—1) e m-Dm-2)x>mlm—-1. (1)

m=1 (1) & 0x>0" S=a.
m=2 (1)< 0x>2 S=0.
1<m{2 () ex< m .Sz[moc 'm,]
m—2 _ m—2
(< 1
Jm\ () x> m :-S—_—( m -+ ]
fvm > 2 m—2 m—2 :
Cau Q). '
Jx==+1
X
Cau 27. + > (m—-—l)x+m+l o ;
x+1 x—=1 l > 0. , (N
, Xt - :

Vi tap nghiém § = (15 +00) & x> 1 ¢ x* ~1>0.
() em=-—Dx+m+1>0.
m=1: Ox>—2:S:’R‘\{—1; 1}'(loai).

m>1: )c>\—’m+1 :S:t—m—‘Ll

1 , + ooJ . Yéu cau bai toan dugc
m—

m—1
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thoa khi 1= —

m<l:x<-—

m-+1

& m=0 (loai).

Vay khong co m. Cau D).

Cau 28. m=1
m>1
m<1
m=—1

m>—1
m< —1

m<—1
—-1<m<1

m>1

V-ély m=135. Cau C).

Cau EB. f VX 2—1—-

Cau 30. 1++x <I2 x|<:>{

m—1
mt S = (—oo; _mtl) khong xét.
nm— m—1
:S,zR.
2 S :%m~3;+oo].
: m—1 A
S :[,—56; 171-_3]. .
‘ m'—l
S, =R.
S2:[m—2;‘+00]-
m+1
:Szz[f—oo; 771—2]‘
m1.
m— m—2 .
15 =58, & n 3:m‘ =m=2>5 (loai). .
‘ m—1 m+1
5 =S, ’
.
A S 3=m——2:>m:5(nhzfm).
m—1 m+1
x>1

X

—1~\/;\/x—>0
x>1
@{m<m_mzo

x>3

\/_ﬁ<,\—

=X _ 1..Cau A).’

:>x>4 CauB)

Cau3i1.Taco Sy =0 va S, =0.

xS,O x>0 _
A {x>2=x<0. D) jx>2= vOnghiém.
x<l x<1
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- Vay S, =(—o00: 0]=@. Cau A).

cau3a. (¥ —6x+9)(—x2+4x—4)> 0 —(x—3)*(x—2)" >0

= Cau C).

X = 2.

cau 33. (x —6x+9)(x? +2x+3) 50 (x—32[(x+1)* +2]> 0
‘ ' = x=3. Céu B).

Cau 34. (2x+1)" <(x-2)* <:>[(2x+ 1)° +(,\'~2)2”(2x+ 1)° —(‘xb— Z)ZES 0

& Bx—D(x+3)<0 ¢>——3.§x§%.Cﬁu D).‘

Cau 35. 2x—4>Jx? —6x+9 & 2x+ 4| >|x—3|

‘ x<—
SBx+1)(x+7)>0 @i 1
- x> —=
' 3
Cau A).
' X +4>0 Vx
Cau 36. IA -5x+2|<5x 2 &
x2—10x<0
= 0<x<10.
Cau D).

Cau 37. 9x2 —30x+25 > 2x% & [3x— 5| > 24
‘ 2x +3x—-5<0

5
= ——<x<I.
2% =3x+5>0 Vx

Cau B).

Cau 38. Phan vf du cho cau D) : f(x)=x>—-3x+2, Vol =3 suyra

af (3)=2 >0 nhung f{x)=0 vﬁnycé nghiém x=1 hodc x=2.
- Cau D). ‘

Cau 39. Cau B) sai vi & (II) nhan cho x*—1 vao hai vé cua (l) chi dL.ng
néu x* —1>0. Pép an : Cau B)

Cau 40. Khong c6 m . Dap 4n : Cau D).

Cauai. m<0. Pap an : Cau C).
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Cau 42. m>3. Dap an : Cau A).
Cau 43. Yéu ciu bai toan tuong duong véi :
a=0m=1)=x,=2>0 "

m=1
a=0

AN=0 &
. m—2

X, >0 Xy = =2>0
m—1

"= O_ =m=0.

P<0& <0=m>1

m—1
Viy m=0Vv.m>1. Pap an : Cau D).

Cau 44. Yéu cau bai toan tuong duong vai :

0 m=l m= 1
a= m>1 m>1 K v
P<0. ey, =4 = m=2. Dép an : Cau D).
o l o A'=0 m=0 g .
x,| - hz-, S=0 m= 2

' Cau 45. Yéu ciu bai toan tuong duong véi :

a=0 -

/S o mzl m<4
az0 Ly, é{ =% Pépén: CauD).
S m=1. ‘

~—+1>0 m<4
P .

Cau46. Yéu ciu bai toan tuong duong Vi x, la nghiém thi

2x, la nghiém, tic la :

[a=0 (m=1)
- 2(m-2) - ,
Sé3x0:*’;fr :>2171-2+i11%1#0
P:ZJCS::—G4
T m—1
=1
sl
m=—.
2

~ DPapan: CauD).
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Cau 47. YEu cau bai toan tuong duong voi @

a=m—-1=0, *
—1 o ..
a=m—1=0s|"  =Vm Papén:CiuC) .
, 5 m =1
AN =m" >0

Cau 48. Yéu cdu bai toan tuong duong vdi :
. A'=m?—a4m+3>0 |3

—<m<]
P=4m—3>0 ={2~"%" pPapan:CauD).
S=2m>0 m>3.
Cau 49. Yéu ciu bai toan tuong duong véi :
A=mt—dm+3<0 |1<M<3
5 m<lVvm>3
A=m"—4m+3>0 ,
And 3 <.
P=4m-3>0 m Z.Z (v6 nghiém)
S=2m<0 neo

, =1<m<3. Dap an : Cau A).
Cau 50. Vi a =10 nén yéu cAu bai toan tuong duong véi :
P‘——4m"‘3<0 ‘ nz<_§_
‘ =

Dép 4n : Cau D).
AN=m*—4m+3=0 P

| m=1Vm=3.
Cau51.Via=m’+1>0Vm va c=—1<0Vm nénsuyra:
v Cac<0Vm ©A>0Ym.
Khoéng c6 m. Pap an : Cau C).

Cau S&. Yéu ciu bai toan twong duong vai :

a=1>0Vm 1 , \
=>m<~—§\{m>1. DPép én : Cau D).

A==3m*4+2m+1<0

Cau 53. Yéu cAu bai tuan tuong duong vai :
[x2 +mx+1>0 Vx

= |ml < 2. Pap 4n: Cau A).
X —mx+1>0 Vx ' ‘

Cau 54. Yéu clu bai toan tuong duong vdi :
f(x)<0: vonghiém < Vx: f(x)>0



a:m+1>0

= @——1—<m<0 bap an : CauA)
A’ -171(2m+1)<0 2

Cau 55. Yéu ciu bai toan tuong du‘O‘ng voi

(x) <0 c6 nghiém & (Vx: (0> 0) "= " FT1>0
: >0) < (
fx <‘ c6 nghiém < (Vx : | ‘x > A — m(am <0

»<§:>{——l-‘_<_m§O]:'>m<——l—\/m>0. '
‘ : . 2 : 2
Pép én : Cau C).
Cau 56. m<0. Dép 4n : Cau B).
x2>1
Cau 57. \/\/ +4 \/\/ +l>l¢r> t=+Jx—1>0

\/t+4>]+\/t+
:>O<\/t+ <l:t—\/ =0

@\c-—l

S, =11}. Pép 4n : Cau A).
Causs. A= (2m—1)>, |
m:'.l S, :{l}
2 2
m>—1— 0 S, =[1-m; m.
2 ;
m <-;~ AT :[m‘;1~m].
bPap an : Cau D).
0 S, ¢S, (loai).

Cau 59. m =

m>

va—‘wlv—-

LS, CS, e 1-m<1<m=m>1 (thod). |

m<%: »SICS2¢:>m§l§1%n1 = m <0 (thoa).

Vay m<0vm>1.
- 'Dép an : Cau D).
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ol

Cau 60. m_—_% Al =
m>% S =S, el-m=1=m (v nghiém.).
m<% 0 S, =8, &m=1=1-m (v6 nghi€ém).

Khong c¢6 m. Pép an : Cau D). -

' DAP AN CAU HOI TRAC NGHIEM CHUONG IV

1 A 16 C 31 A 46 D
2 C 17 D | 32 C 47 C
3 D 18 D 33 B 48 D
4 cC | 19 | B 34 D 49 A
5 D 20 B 35 A 50 D
6 c |-21 | C 3 | D | sl C
7 D 22 A 37 B 52 | D
8 B 23 | B 38 D 53 A
9 D 24 D 39 B 54 A
0 | Cc | 25 C 40 D 55 C
11| A 26 C 41 C 56 B
2| ¢ | 27| D | 4 A 57 A
13 A 28 C 43 D 58 D
14 C 29 A 4 | D 59 D
15 D 30 B 45 D 60 D
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Chuong V.

THONG KE

A. TOM TAT Li THUYET
§ 1. BANG PHAN PHOI THUC NGHIEM

1. Bang phén phdi thuc nghiém tan s6 va tin suit roi rac
e S0 li¢u thong ké. '

So lidu thong ké la tdp hop céac dit li€u thu thdp duoc' cla céac 601

tuong khao sat. _
Vi du. Dlem Toan cua 30 hoc sinh 16p 10 (lay tron s6) khao sat dau

nim nhu sau :

o Bang 1. .
3ls]7 1210 883 4
| 6(5|1 4 2|5]7 6
4 6517 6|54 9

e Tin so. _

Tén 6 1a s6 1An xut hién ctia mt di fugng khao sat, ki higu ;.

O bang 1, s6 em dat diém 5 12 6 em, ta bio n; = 6.

e Tan sudt (tinh bang %). ;

Tén suét 1a ti s6 cia tin sd n ctia di tugng khao sat véi tong s6 N

_clia-cac ddi tuong khao sat, ki hiéu f;. Tacé:

o ’ v '
= 1
o fi=% | ; (1
Obang I : f, = ’15:%:%:20%; nghia 13 ¢6 20 em trén 100 em

dat diém 5.
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e Bdng phén phoi thwe nghi¢m roi rac

Ta tinh tin sb va tin suit cta timg d6i tuong khao sat va 1ap bang.

Bang 2.
: ‘Diém s6 x, ~ Tansb n Tén sudt f, (%)
[ I )
0 0o . 00
1 3 10,0
2 2 6,7
3 2 6,7
4 4 13,3
5 6 20,0
6 5 16,7
7 4 13,3
8 "2 6,7
9 1 33
10 1 3,3
N=30 100 (%)

* Bang gdm 3 cot (D), (2), (3) 12 bang phan ph01 thuc nghiém tdn $6 Vi
tan sudt roi rac.

. Bang gbm 2 cot (l) (2) la bang phan’ ph01 thuc nghiém tdn s6 roi
rac.

= Bang gdm 2 cot (1), (3) 1a bang phén ph01 thuc nghlem 1dn sudt roi
rac.

2. Bang phan phdi thue nghlem tin s6 va tan suat ghep lop
' e Ldp. ‘
Lop la tap ho*p cac d01 twong khao sat xép gin nhau, ki hiéu 16p
i :{xl 3 X; +1] :
~ Gbang 1, tachialam 5 16p 13 : [0;2), [2;4), [4;6) , [6:8) , [8:10].

o Gid tri trung iGm
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- Gia tri trung tdm ki hiéu la x,.Q .Tacd:

0 _ %t Xy '
X, = (2)
: 2

Obang 1:x'=1,x)=3, xq-S xg=7.,x=9.

e Tin s ciia I6p

Tén s6 cua 16p 14 tong s6 ctia s6 14n xudt hién ctia cac ddi tuong thuoc
lop do, ki hi¢u n; z '

Obangl' _3 112—-4 n3—10 n4m9 n5—4

® Tan sudit cia lop
fi=e | G
O bang 1 : /1_100 f,_133 /3_333 /. =30,0; 15_133

® Bing phin phoi thue nghiém ghép lop

Phan 16p, tinh gi tri trung tAm, tin sd, tin suft cia cac 16p va lap

bang.
| Bang 3.

Cac 16p diém X ! o £ (%)

(1) : @ - (3) 4)

[0:2) 1 3 10,0

[2 4) 3 ‘ 4 13,3

4:6) 5 © 10 33,3

6,8)' 7 | 9 30,0

[8:10] o | 4 | 133

N =30

. . Bang gom 4 cot (1), (2), (3), (4) 1a. bang phin phm thuc nghlem tan
SO va tdn sudi ghép lop.
= Bang gom 3 cot (l) (2), (3) 1a bang phan ph01 thu‘c nglnem tan so

_ g/ch lop.
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. Bang gdm 3 ¢bt (1), (2), (4) 12 bang phin phdi thuc nghiém tan sudt
ghep lop.

§ 2. BIEU Bd

1. Bidu dé tin suit
e Biéu do tin suat hinh cot

Trong hé théng truc toa d6 vubng goc, truc hoanh chi cac s liéu
théng ké, truc tung chi tan suét (rdi rac hodc ghép 16p). Biéu dd hinh ¢t mo
ta hinh anh cac bang phan ph01 thuc nghiém roi rac hogc ghép 16p.

Vi du. V& biéu dd tan sut hinh cot clia bang 3.

A j;

33,3}
30

20

13.3
10

X |

® Buong gap khiic tin sudt

‘Trong mat phing toa do xét cac diém M ( f,) (z = 1,2,3 1a sb
16p tuorng ing). | » o ' :

Nbi cac dlem Ml,Mz,M3, ta dugc duong gap khic goi 1a duong
gép khiic tan suét.

Vi du. Pudng gap khice tan sudt ctia bang 3 12 dudng glp khuc vé &
hinh 1 (chung véi bxeu d6 tan suét hinh cot).
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® Biéu do hinh quat

Ch]a dudng tron thanh n hinh quat tuong Ung véi n lop Goc o tam ti
1é v6i tan suat cua lép do.

Vi du. Biéu d6 hinh quat & bang 3.

Hinh 2.
§ 3.s0 TRUNG BiNH CONG - MOT - 86 TRUNG Y|
1. S6 trung binh cong (x)
o Bang phin phéi thuc nghiém roi rac

- 1 . . 1 & :
x:‘ﬁ(”lxx’*‘”zxz"‘“"*‘”kxk):”ﬁznixf

= )
x--f,x,+ﬁx2+ +f,(xA Zf,

® Bing phan phot thuc nghzem ghép lop .

z_zn Zf,x,, BN

voi x,.o \ f la gia tr1 trung tam, tan so tan suét clia lop thir i .

N’

Tacé: Zn—i1,+n2+ +n,=N.

i=l

Vi dy. Tinh s trung binh cong x cla céc sb liéu théng ké cho o bang ,
2 (phan ph01 roirac) va & bang 3 (phan phdi ghcp 16p).
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o) bang 2. x-—-ﬁZn, X;

i=l1

=§5(3+4+6+16+30+30+28+16+9+1o)

_12_ s,
30
_ 5 |
o ébéngszle- n.x = 1 — (3412450463 +36) = 164:5,5.
A K 30 30

2. Mét (M,)

e Trong bang phan ph01 thuc nghiém tan so mot M, la gia tri c6 tn

s6 lom nhat.
: e Néu c6 hai gia tri c6 tAn s bing nhau va 16n hon tAt ca céc tin sb
- khac thi:
= Mét 13 trung binh cdng clia hai gié tri dé, néu chung ké nhau (néu sb
nay co nghia).
= Truong hop khac, ¢6 hai mbt.

| thy.ObangZ.MO—S.
3. 86 trung vi (M,)

e S6 trung vi (ki hidéu M, ) ciia mét ddy khong giam (hodc khong ting)
gdm N b liéu thong ké 1a s6 :

« Néu IV 1é thi d6 1a sb dimg tht 2L
’: "zv‘,wﬂ,i"“ A ey e A 3y . N
= Néu N chan thi d6 1a so trung binh cong ctia hai s0 ding thir £y va

X

2

Vi du. SO trung vi cua 2 ddy di€émsd : *

a)33[5] 7 8.

. by335789.
A ‘ . C N +1
Caua): N=5 (1¢) = M, co thir hang - 5 =3=>M,=5
Caub): N =6 (chin) = M, = 5;7 6.
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e Cdach tim M, trong phan phoi thuc nghtem tin sé roi rac.

_Trong bang phén phdi, ta ghi thém cot tin sb tich luy (cong don cac
tan so) ;

) LA A . N+l
*Nle=M, cotansotlchluy Lty

s N N | N
= N chan = M, la trung binh céng cua 2 so hang thir By va ?-'3-1 .

Vz du Thay con xi ngau N lan. Goi. X; la s6 nit xuét hién & mat tren.
sau méi lan thay, ta dugc két qua :
a) Thay 45 lan (N = 45) ‘
5 |1 2 3 4 s
w5 6 8§ 10 7 9 N=45

- b) Thay 50 lan (N =50)

x | 1 2 3 |
mo| 7 8 10 9 8 8 N=50
i 4 5 :
Céua) X, n, Tich luy
, T 5 ‘ ‘
2 6 11 N =45 (1&)
3.1 8 19 |- N+1_
4 10 29 B
5 7 36 - M,=4
6 9 45
N =45
Caub) X, n Tich luy
1 7 _ N =50 (chdn)
2 8 15 N
3. 10 5 | 37
4 9 34 N
5 8 42 | FTl=2
6 8 50
~ | M, =343
‘ 2
N =50
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§ 4. PHUONG SAI - B0 LECH CHUAN

1.aPhu0ng sai

Phuong sai ctia bang phén phm thuc nghiém, k1 hi¢u s duac tmh baoi
@ Phan phdi thuc ng:hlem rdi rac :

':f—Z'7 Zf(x—x (6) “

e Phan phdi thuc n;,hlem ghép lop :
.=~—~Zn X; *x) Zj X; —-x) ‘ (7

Vi dy. Tinh phuong sal s clia cac sb heu thdng ké cho & bang phan

phdi thuc nghiém tan s6 roi rac.

PR 2 | 3 4 5 6
n 5 3 3 6 | 2 1 N =20
‘ Bang 5
S6 trung binh cong : S
- 1 & I 60
x=—)Y nx, = (5+6+9+24+10+6)~—=3.
N 3 20 20

Phuong sai :
1E& =y
Sf = ”“Z”i ('xi —x)

20[5(1—3) 130237 +303- 3) +6(4—3)* +2(5-3)* +1(6—3)]

20 s
20 » v
— . ,
~ Dinhli. s2=x"—(x)", (@)
trong do :.

= & , ‘ Lo
x* = -K[—Zn,.x; - (bang phan phoi roi rac).

= 1 y

X = NZni(x:))z (bang phan phdi ghép 16p).
=1 )

Tro lai vi du trén
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s =§1—0{5(1)2 +3(2 303 +6(4) +2(5) +1(67]

~ 1 6-113.
20

s2=113-03)" =23
2. D) Igch chudn
| bo 1éch chuén ciia bang phan nhéi thuc nghiém 13 cin bac hai cua
phuong sai : S, v x? —(% ) (9
Tréolaividutrén: s, =+2,3=1 |

§ 5. HE s0 BIEN THIEN

Hé sb bién thién ciia céc sb lidu thdng ké (hay bang phan phdi thuc

nghiém) cho boi : Vo=x100%. (10)
B x ' !
s LS |
Vidu ¢ trén : V:TXIOO% 50%.
B. BAI TAP

‘Bai 1. Doanh thu ctia mdt siéu thj trong 30 ngay 14 :

180 186 190 205 192 200 201 203 191 202
200 212 205 211 239 213 216 208 209 222
221 220 203 ,225 1206 228 231 220 239 210

(don vi 100 000 dong)
1) Hay lap bang phan ph01 thyc nghiém tan sb va tin suat roi rac.
2) Hay 1ap bang phan phdi thuc nghiém tan sé va tin sudt ghep
16p (ghép thanh 5 16p).

Bai 2. Luong cla 30 cong nhin cia mot xi nghiép la :- '

300 000d 3 nguoi

500 000¢ 6 nguoi

7000008 - 5 nguoi

800000d 5 nguoi

© 900 000d 6 nguoi
* 1100 000d 5 ngudi
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Bai 3.

..
Bai B.

204

1) Hay lap bang phan phc')i thuc nghiém t;m s6 1oi rac.
2) Hay |ap bang phén phm thye nghiém tan suat ghép 16p (4 16p).
3) Haly vé& biéu dd tan suét hm h cOt va dudng gap khiic tan sudt,

Dién thh cac luc dia trén thé g10'1 cho boi :

Luc dia Dién tich
Chau A 474
Chau Au’ 4,9
Chau M1 - 420
Chau Phi 30,5
Chau Uc. : 8,5

(don vi : triéu fkm*)
1) Hoi chau A chiém bao nhiéu phan tram di¢n tich va goc ¢ tam
cta hinh quat trong biéu do
2) V& biéu dd hinh quat.

Cho biét gia tri trung tim cua cac 16p trong modt phan phdi thuc
nghiém ghép 16p lan luotla 156, 158,160,162, 164, 166. ,

1) Tim céc 16p tuong Ung.

2) Lap bang phan phdi thuc nghiém tAn sudt ghep lop, cho blet tin
sO twong ungcacloplal,2,2,4.,5. 2.

3) V& biéu db tan suat hmh cot va dudng gip khic tan suat

Thay con xi ngau 20 lan an sat s6 nut hién ra & mit trén, ta
dugc két qua : :

- 1 | 2 3 | 4 5 6

1

i

U |1 4 2 4 5 4 |[N=20

Hay tinh : SO trung binh cdng, mot, so trung vi, phuong sai, do
1éch chuan, h€ so bien thién cta cac so liéu thong ké da cho.

‘ Dlem s6 cua 40 bal tric nghiém toan (thang diém 20) dugc sap

xép nhu sau :

Lop yéu [1;5] 23 béi.
Lép trung binh [6: 10] : 17 bai.
Lépkha [11;15] 13 bai.
L6p gioi [16;20] - : 7 bai.

1) Hay lap bang phén phdi tin sé ghép 16p.
2) Tinh s trung binh cong, d6 1éch chuén cia cac sb lleu théng ké
da cho.



Bai 7.

‘Bai 8.

Bai 9.

“Thr hai 16 boéng dén chia hai cong ti A, B ta dugc két qua :

Doi séng Mau
(tinh bang gm) Cong ti A | Cong ti B
[700;900) 10 3
[900;1100) 16 42
[1100;1300) 26 2
(1300 1500] 8 3
Cong N =60 M =60

Béng den cong ti ndo c6 doi song trung binh dai hon ?

Hai xa tht, moi ngudi ban 30 vién dan vao bia. Két qua nhu sau

Xathi X | 6 | 7 8 |9 10 | Cong
w | 3| 3] 8 | 9 | 7 | 30
Xa“th(le ‘xl, 6 -7 8 9 10 | Cong
m; 3 4 7 8 8 30

Tinh SZ_ va sz,.

Chleu cao cia 100 hoc sinh cho bdi bang phén phbi thuc nghiém

tan sb ghép lop

x; (don vi cm)

n;

[151;155)
[155;159).
[159;163)
[163:167)
[167:171)

15

25

40

10
10

Hay tinh hé s6 bién thién cla cac so liéu thong ké.

Bai 10. Mic luong hang thang ctia 25 nhan vién trong mdt cdng ti cho boi

’ (don vi 1000 d) :
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X; | 800 | 1000 | 1200

1300

1500

1800 | 2000 | 2500 | 3000

n; 1 3 2

v 4

4 3 2 1

'Hay tinh mtc luong thang binh quan cua cong ti.

LO1 GIAI

(Céng 25)

Bai 1. 1) Bang phan phoi thuc nghiém tan s6 va tan sudt rdi rac :

206

Doanh thu (x;)
(don vi 100.0004)

Tén s6 (x;)

Tan suit (f,), (%)

180
186
190
191
192
200
201
202
203

1205 .
206

208

209
210
211
212
213

216

RO+ et ot ot bt DD bt e et et it e et e DD RND e et ND b e e e e

3.3
3.3
33
3.3
3,3
6,7
3,3
33
6.7
6,7
33
33
3,3
3,3
33
33

33
3,3
6,7
33
33
33

3,3

33

6,7




2) Bang phan phéi thue nghiém tan sb va tin suét ghép 16p :

Chc 16p X 5 n | f(%)

[180;192) 186 4 13,3

[192:204) 198 7 23,3

[204;216) 210 9 30,0

[216;228) 222 6 20,0

[228;240) 234 4 13,0
Cong - N =30

Bai2. ) Bang phan phdi thuc nghiém tan sb roi rac (don vi ddng) :

LLtorng thang x; n,
300.000 3
500.000 6
700.000 5
©800.000 5
900.000 6
1.100.000 5
| N =30
2) Bé11g phan ‘ph(‘)i thuc nghiém tan sut ghéb lop:
, Ludng théng’ X, x - fi%)
[300; 500) 400 10,0
500 ; 700) 600 20,0
[700;900) | 800 | 333
[900;1100] | 1000 | 36,7
| 100%

_ : (Pon vi 100.000)
3) Bi€u do tan suat hinh cdt va duong gap khic tin sudt : :
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208

TJi |
A SR e —— -

| | Myt
333 | ocmmmo SR S et B
. . i |
3001 | ///1 !
| i
. 1 i
' t i
‘ ] 1
20 oo —A— )
il i I
/ 1 1
. [ 1 1
. { ] o
‘- w/l L]
10 fooomomoen ' | : :
i i i I
{ . ] I 1
1 t ] [}
I I i 1
] | | I
i I ] I
1 | I I

i g L 1 1 >

ol L 2 3 4 5 6 7 8 9 10 11 x

Chau A chiém 47,7 trieu km? trong tong sb 133.3 triéu km”, nén

47,4%100

chidu A chiém ti 1é -~ 35,6% va gbéc & tdm cua hinh

2

. 0
quat l1a w ~128".

Chau Au mg goc ~13°.

Chéau M timg goc ~ 113",

Chau Phi tmg goc =~ 82°.

Chau Ucll'mg goc ~23°. o

Tu cac s6 liéu d6 suy ra bi€u d6 hinh
quat. ‘

Tacé x) =156,x) =158, x) =160, ... nén bé rong cac 16p 1a :

0 00 0 _
d=x3—X; =X, —x, =2.

1) Vay cac l6p dugc ghép la :

[155:157),[157;159),[159;161), [161;163),[163;165),[165;167].

2) Bang phén phdi thuc nghiém tin suit ghép 16p :



Cac 16p x, X0 [ (%)
[155;157) 156 | 6,25
[157:159) 158 | 125
[159;161) 160 12,5
[161;163) 162 25,0
[163 165) 164 31,25
[165; 167) 166 12,5

3) Biéu dd tan suét hmh cdt va dudng gap khic tin suét :

fi
31,280 L. M-

1
1
!
) i
1 ]
i i
20 F , / i
] I
) k i 1
M, M;/ i : M,
12,5 F<mmmmmmmee e > AN S S SR S W
10 e ! ! ! !
| M A i : : :
().25 ------ ¥ i 1 1 1 '
i 1 H ] 1 |
] 1 1 I ] i
i 1 1 1 1 '
: ! ! - : I !
0l 156 158" 160 162 164 166  x;

Bai 5. lruoc hét ta 18p bang phan phéi thuc nghiém tan sb roi rac cia
cac sb liéu théng ké da cho. Trong bang nay, ta 1ap thém cot tan sb
tich luy, ki hiéu N; bang cach cong céc tan s6 theo quy tic : Tén

s tich luy cua x; bang tdng c4c tin sé cua Xps Xgpeon X5 %, (€

tinh s0 trung vi) va c6t n,x, d€ tinh s6 trung binh cong, cot I’ZI-JC,-Z
dé tinh phuong sai.

x; o N, nx, | nxl
1 1

5 8 16

3 2 6 18
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M. —[4] 4 | <11 16 64
M, = —3] 16 25 125
6 4 20 24 144
- Cong N =20 80 368
1) S6 trung binh cong : x= —l—zk: nx; = 80 =4
N 20

i=1

2) Mét : x, tuong tng max {n,,n,,ny,...} = M, =5.
3) Sé trung vi : N =20 (chén)

N

—=10—x,=4
2

N

—+l=11-x =4
2

4) Phuong sai : s

X

o (3

—_ k
xZ:LZnix,?:ﬁzl&él ) |
NG 20 =s2=18,4—16=2.4.

x=4

5) D6 léch chudn : s, =+/2,4 =1,55.

6) H s6 bién thién : ¥, == x100% = 38,7%.

1) Bang phén phéi tin s6 ghc’p 16p.

Trong bang nay lap thém cot n(x,O) va n,.(x

X

binh ¢Ong va phuong sai.

0

i

2 ., oy
) dé tinh s6 trung

Lop(x) | o n () ()
5] 3 3 9 27
(6 :10] 8 17 136 1088
[11;15] 13 13 169 2197
[16;20] 18 7 126 2268

| N=40 | S =440 | S =5580

2) Sb trung binh cong :




Phuohg sai :

_ 5380 112 =139, 5-—121——18 5.

}

Do léch chudn s, = /18,5 = 4,3.

Bai7z. Lap bang phan phdi thuc nghlem tan'sd ghép 16p clia hai cong ti A
B, c6 thém ha1 ct n, xo va m; x cua hai cong ti do.
L orp " ' x Cong ti A ' Cong ti B
[700;900) | 800| 10 8 000 3 2 400
[900;1100) | 1000 16 16 000 42 42 000
[1100;1300) | 1200{ 26 31 200 12 | 14400
[1300:1500] | 1400 8 11200 3 4200
N=60%" = 66400 | M = 60 | %" =63000
:—_Z n; x? _w..ll% 7;
=——Z mx; _@__1050.
Béng den cta cong t1 A c6 doi sdng trung binh dai hon.
Bai 8. Talap bang phan phdi thuc nghiém tén sd roi rac ctia hai xa tha A

va B vao chung mot bang co phu thém cac cot nx;, my;,

H, (xi )2 va m; (yi )2'

211




Pidm Xa thu A Xa tha B
SO h; ;X n; (x, )2 m; m;.y; m; (yl)
X =Y _ .
6 3 | 18 108 3| 18 108
7 3 21 147 4 28 196
8 8 64 512 7 56 4438
9 9 81 729 8 72 648
10 7 70 | . 700 8 80 | 800
\ N=30| 254 |5~ =2196\M =30 254 > ,=2200
_ k
x:i n,.x,:ﬁ:&S
N4 30
- 1 & 254
= e m :—:8,5
4 M§ 1730
J— k
xzzizn,(x,f:z}%:n,z
. N i=1 ‘
=2 —(x) =73,2-8,5 = 0,95
= 1 5 2200
= =22 =733,
v’ mg 30

2=y —(3) =73,3-8,5 =1,08.
Bai@. Ta thém vao bang phan phéi thuc nghiém tin sb ghép 16p céc cot

2
nxl, m (xf)) .

[ B i

Chiéu cao x, _ x0 n, nx° o (x,? )2
[151;155) | 153 | 15 2295 351 135
155;159) 157 25 | 3925 616225
[159;163) | 161 4 | 6440 | 1036840
163;167) | 165 | 10 1650 | 272250
[167;171) 169 10 1690 | 285610

| N=100| 16000 | 2562060
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x:‘—l—- n,X; :M:MO.
N4 100

k 2 2562060 |
(x%) =2 = 25620,6.
Zn’ (x’ ) . 100 )

5. =4+/20,6 =4,5. |
VX :f_"—'XIOO%:M:Z,S%-
x 160

Bai 10. Mirc luorng thang binh quan 1a sb trung binh cong ciia cac sb lleu '

Bai 2.

théng ké.

:_Z l 1_4'0 100“’“1604{’_

- Vay luong thang »bmh quan 1 604 000 4.

C. BAI TAP TU LUYEN

bi€m thi hoc ki ctia 60 em vé mdn Toan sau khi cham cho boi :

3 01| 4,619 2|81 8/|5]2
6 6 6 1 3 4 | 3 4 5 5
705|436 77| 1] 6] 8
6 | 2| 51496 71| 9|87
4 |3 | 5| 5|96 | 6| 4|83
3 0415|8167 7171]6]4

1) Lap bang phén phél thucvhghler'n‘téfl sb roi rac.
2) Lap bang phan phdi thuc nghiém tin suét ghép lorp theo cac lorp
[1:3),[3:5),[5 7) va (7 9]

3) Hay v& dudng gip khc tan suét.

4) Tinh s0 trung binh céng & bang 1) va 2).

Strc.nang cta 50 hoc sinh dugc cho béi :

Stcning (kg) | 39 | 45 51 57

Sdem - 15 20 10 5
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Bai 3.

Bai 4.

Bai 1.

214

Cho biét bé rong cua cac 16p 1a 6. .
1) Hay v& biéu db tAn sut hinh cot va duong gip khic tAn suat
2) Tinh sb trung binh cong.

Lwong téng cong clia hai vo chdng 1am tron 1a 2 000 000d, chi phi
&n tiéu 1 200 0004, t1en thué nha 200 000d, dich vu dién, nudc,
dién thoai 300 000d, tién hoc cho con va tién thudc khi 6m dau
200 000d, con 1a tién tich luy.

1) Hoi hang thang gia dinh d6 tich luy duorc bao nhiéu phén trong
téng s thu nhap ? '
2) V& biéu dd hinh quat bleu dién su chi tiéu cua gia dinh do.

Piém Toan va Vin clia 20 hoc sinh thi hoc ki 2 dugc cho bai két
qua : '

Pidmsdl ol 1|23 |415|6|7|8]9]10

Toan 1{ojof1 |3 |3(4{2|3}|2]1

Van [O0|O |1 }|2|5]6(3;2|1]0]0

Hay tinh sb trung binh cdng, mot, s6 trung vi va hé s6 bien thién
cua hai mén Toan va Van.

Luong thang caa 10 chuyén vién che béi :

x| [13) | [3:5) | [557)
n, | 2 5. 3

1

(Pen vi @ trigu)
Hay tinh so trung binh cong va phuong sai cua s liéu thong ké da

. cho.

HUGNG DAN - DAP S6

1) x, | 1]23|4|5]|6|7|8]9]| Cong

nx, | 316 (213640725648 36| (318)

2) x| [1:3) [3;5')' 15:7) | [7:9] Cong




(340)
(100%)

164
30,0

120
33,3

64
26,7

12
10,0

n.x;
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Bai 3.

Bai 4.

Bai 5.

Cau 1.
Cau 2.

Cau 3.
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2) Biéu d6 (xem hinh bén).

2) S6 trung binh cong : x=145,6.

1) Phan tich luy hang thang 5%
An 0 60%.

Nha 1 10% .

Dich vu 1 15%.

Hoc, thudc : 10%.

Tich luy  :5%.

1) Mo6n Toan :

S trung binh cong : x=6. M4

S6 trung vi :M,=6. Hésbbiénthien :V, =387.
2) Mén Van :
) trung binh cdng : ;::4,5. M6t s My=5.
Sd trung vi M, =5, Hé sb bién thién 4 V), = 53,}{7 .

1) S6 trung binh cong x= 4,2.
2) Phuong sai ‘ L 52 =1,96.

D. CAU HOI TRAC NGHIEM

S6 liéu théng ké sau day duoc st dung cho cac cau 1,2,3 va4:
Chiéu cao, tinh bang cm, cia 30 em hoc sinh 16p 10 dugc cho
theo bang sau : '

Lépx, | [150:156) | [156;162) | [162;168)

n, 10 13 7
B& rong cua cc 16p bang :
A) S. - B)e.
C) Khong tinh duogc. D) Két qua khac.
Gia tri trung tdm cua 16p [156:162) 1a:
A)10. . B) 13.
C) 153. D) 159.
C6 bao nhidu em cao dudi 162cm ?
A) 10. B) 13.

- C)23. D) Két qua khac.



Cau B.

Cau 7.

. T 1é phan trim (tan suat) ctia cic em co chleu cao khong nho hon

~162cm la: ‘
A) 33,3%. ' B) 43,3%.
C) 76,7%. - D) 23,3%.

© Sb lidu thong ké sau day danh cho cac ciu 5, 6, 7

Dxem s0 cua 100 hoc sinh dugc biéu dién bing db thi 1a duong

' gap khic sau day :

/P v
30 |

25

Truc hoanh chi diém so.
Truc tung chi s6 hoc sinh.

C6 bao nhiéu em dat diém cao nhat ?

A) 25. B) 5.

C) 15. . D) 10.

Piém s6 c6 sb hoc sinh nhiéu nhat dat duoc la:
A) Biém 7. : . B) biém 6.

C) Piém tbi thiéu. - D) Piém tbi da.
Diém trung binh cta 100 hocsinh dé la :.
A)7,0. B) 6,9.

C)o6.5. . D) 7,2.

S liéu théng ké sau day ding cho céc cau 8, 9 : o
Ngan quy hang thang cia mét gia dinh cho béi biéu dd hinh quat :
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[ TUEN NHA. DIEN. NLOC
1500000 d

THUOC MEN,
MAY MAC
700000 d

Cau 8. Goc ¢ thm cia hinh quat tuong Ung phan tich lu§ la

A) 72°. B) 75°. -
C) 60". - D) 90°.
Cau 9. Tan suét (ti 1& bach phan) & phin thuc phim 1a :
A) 30%. B) 36%.
| C) 40%. \ D) 42%.
Cau 10. Diém Toan thang 4/2006 cua 4 hoc sinh ¢ho boi : ~
M 6 6 7 9 am 6 7 8 9 10
a 4 5 8 9 avy 6 8 9

Sép xép diém trung binh cua 4 em theo thir ty tir cao dén thap theo
4 cach sau. Hoi cach nao ding ?

~A) AN, dV), (111, (). B) (II), AV), (I), (I1I).
C) D, (1, av), @. D) (1), (1), (1), (IV).

‘Cau 11.Choddaysb:

A)10 28 28 40 59 107 200

B)10 28 28 40 59 107

C)10 28 34 40 59 107 200 -

D) 10 28 28 34 59 107

So M,= 34 1a 86 trung vi ctia day nao?

Cau 12. Thay con xi ngau 15 lan, ta dugc két qua sau :

" x 1| 2 3| 4 5 1 6 Cong

1

n 1 4 | 3 | 2 4 1 (15)

1

CAu nao sau day sai ?.



- A) S6 trung binh cong 1a x=3,5.
B) M6t 1asb M, =2 hodc M,=5.
C)Sétrungvila M, =4.

D) Khong c6 cAu nao sai.

S6 liéu théng ké sau day duoc ding cho caccau 13, 14, 15va 16
Piém Toéan cta 40 em hoc sinh & mot 16p chuyén Toan cho bdi

Piém x, 6 78 9 10
Tinsbn, | 7 9 | 10 | 9 5
N | | | N=40
Cau 13. Sé trung binh céng ctia céc sb lidu théng ké :
A)7. T B) 7.8.
C)7.9. D) 8.
Cau 14. M6t (M) lasd .
A) 10. B) 8. :
C)7. D)7 hoiic 9.
Cau 15. S6 trung vi (M,) 1a: |
NV B8,
- Q) 10. | D) 20.
Cau 16.Giatri 1,6 1a: ]
A) Phuong sai. B) B¢ léch chuén.
C) H¢ 56 bién thién. D) Khéng phai A), B), C).

S lidu thong ké sau diy duge dung cho cac cau 17, 18 va19:
" Ché dd bao hanh (don vi nam) ctia cac do dung dién ctiia mot nha
may duoc khao sat theo bang phan ph01 tin sb ghép 16p sau :

Lorpxi - 3) SBs)y | [5sT)
Tén sb n, 2 |6 | 7

Cau 17. S6 trung binh cong x cla cac sb liéu théng ké 1a :

A)4,5. B) 6. -

- O)47. D) Két qua khac

Cau 18. S5 M, clia cic sb li¢u thong ké 1a :

A) 4. ‘ B) 6.

0)8. D) 15.
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Cau 19. Sdtrungvi M, 1a:

CA) 4.  B)6.
08. D)15.
Cau 20. Diém bin 25 vién dan ctia mot xa tht dugc ghi boi :
X; S [0s4) | [4:8) 8:12]
n, : 5 15 5

Hé s6 bién thién ctia bang phan pﬁ(‘)i thuc nghiém tan sé ghép 16p
1a (tinh theo %) : o
A) 42.  B)42,1.
C) 42,2. - D)423.
GIAI THICH - HUGNG DAN
Cau 1. Bérong d =156—150=6. Cau B).

Cau2. x :}—5—?—}1—@-2-:159. Cau D).

Cau 3. Yéu clu baitoan: 10+ 13 =23. Cau C).
7x100

Cau 4. Yeéu cAu bai toan : =23,3%. Cau D).

Cau 5. Diém cao nhét 13 diém 10, suy ra cé 5 em. Cau B).

‘Cau 6. Yeéu ciu bai toan : M (7,25), suy ra diém 7. Cau A).

_ 8
Cau 7. x———-l— nixi=@i6,9.Cﬁu B).
0 .
caus. o=1000000x3607 _h0 g a).
| 5000000
1800 000

Cau@. Yéu cu bii toan - %100 = 36%. Cau B).

00 000
Cau 10. x_l:7 ) x_2=8 ; ;3-26,5 ; ;C:=7,7 . Yéu clu bai toan : (II),
(Iv), (I), (I). Cau B). - .

N+1_

Cou11.A) N=7= =4 = M, =40.
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N3

B) N=6= ]2 = p, =284 4,
Noi1=4 2
S+

C) N=7 ﬁzj_r_l;__4 = M, =40
N_; |

D) N=6= 1?2 M, =214 4
N | 2 |
— =4
2

Viy M, =34, Cau B).

Cau 12. Ta lip bang phan phdi thuc nghiém tan sé roi rac :

X; n, N, n.x,
1 1 1 1
2 4 5 8
3 3] 8 9
4 2 | 10 8
' 5 4 " 14 20
6 1|15 6
' N =15 , 52
x= fi 3,5
Tén s6 16n nhat 13 :
4—x,=2
4~+x5:5.

Vay M, =2 hay M, =5.
Vi N'=15 1¢é nén M, tuong Gmg voi tin sb tich luy I6n nhét

-N—gi~8:>M =3.Cau ().
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Cau 13. -

222,

X h; N, n; X n; (x, )2
6 7 7 42 252
7 9 16 63 441
8 10 26 80 640
9 9 35 81 729.
10 5 - 40 50 500
N =40 | 316 2562
x=210_79 cao).
A 40 _
Cau 14. Tan s6 16n nhét 14 10 = M, =8. Cau B).
| N_5 -
Cau 15. N =40chén = = M ,=——=8.CauB).
N 2 |
—+1=21
2
o o,
~ Cau 16. Phuong sai l=xt—(x) = 262-—(77,9)2 =16.
Do 1éch chuin s, = \/1—,3 =13.
s . ‘ o ,
He s6 bién thien : ¥, =57 100% _yg g0y
X
Yéu cdu bdi toan . : Cau A).
‘Cau 17.
Lop x, xf’ n; N; nix?
1:3) 2 2 2 4
3;5) 4 6 8 24
[5:7) 6 7 5 42
N=15 70
}:Z—2:4,7.caucy




Cau 18. M, =6. Cau B).

Cau 1. N=15 1§ :.]Y_zil__.g: M,=4.CauA).
- Cau 20. ‘
| x ¥ no o ()
0;4) 2 5 10 20
[4:8) 6 15 90 540
[8:12] 10 5 50 500
N=25 | 150 | 1060

| V =—“66’4><100%£:42,2%.

X

Cau C).

DAP AN CAU HOI TRAC NGHIEM CHUONG V

1 | B| 6| Alll|BIl16]| A
2 Dbl 7 ! B|l12|C 17| C
3/ c| 8l Al1B3]C]|18!B
4! D]l9 I B4l B19]A
5 | BIl10!l B |15 B |2]C
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Chuwoing Vi.

GOC LUDONG GIAC
VA €ONG THUC LUDNG GIAC

| § 1. GOC VA CUNG LUDNG GIAC -
GIA TRl LUONG GIAC CUA GOC (CUNG) LUDNG GIAC

A. TOM TAT Li THUYET

1. S6 do ciia mét cung hrong gidc, goc IU'Q‘hg giac _
® Sé do cia goc luong gidc (OA4.0B) la sb do cua cung luong giac
o\ ‘
tuong tng AB .
™
esd AB =a+k2x
=a"+k360° (keZ),
voi AB=a (rad) = d°. '
~ ~ N
® sdAB + sdBC = sdAC +k2r.
2. Gii’l/_t\&i luwgng giac cia cung « '
SdAM = (X ) .
e sinaw = Tung d§ cua diém M .
e cosa = Hoanh do cua diém M .

22 (cosa=0). - (1)

S
@ tana =
CoSs v

Y . ’
: (sinc=0).
sin o

® sinw, cosq, tanc, cota goila gia tri lugng giac cla cung «. .
e Céc dinh nghia (1) cling ap dung cho cac gbc luong giac :
(04,0M)=a+k2n (keZ).

® cotqy =
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1

® sinc, cosa xac dinh VaeR.

L e . T
@ tana xac dinh voi az—z——i—kw.

® coto xac dinh véi oo = km.
e —]<sina<lva-—-1<cosa<l.

e sin(a+k27)=sina
cos(a+k2m)=coscx (VkEZ).

3. Céc hiing déing thic lugng gidc co ban

e sina+cosla=1 (Va)

, = : : km|
® tanqa.cota=1 ai? )
» 2’ s - (kez) - (2)
e |+tan“ = a:t——HmrJ , ‘
' cos“ v .
® l+cot’a= .1 A(a=kn)
sin“ « :

4. Gia tri lugng giac ciia hai cung (goc) c6 lién quan dic biét

e Cung doi | ~ cos(—a)=cosa ' )
sin(—a) = —sin«
tan (—a) = —tan

cot(—a) = —cota

e Cung bl‘li ' sin(r—a) =sina - (4)
cos (1 — o) = —cosa
tan (m — ) = —tan o
cot(m—a) = —cotar
® Cung honkém = sin(r+a)=—sina , (5) '

cos (7 + o) = —cosa
tan (7 +a) = tancv

cot 7r+a):cota

15. CDT&PPGDAISG10 » o 225




| '

e Cung phu sin [—zm—a] =CoS (6)
- .
cos|——a|=sinq

2

T
tan|——a|=cotq

7

s
cot|——a|=tanc

2

B. CAC DANG TOAN

Dang 1. TINH CAC GIA TRI LUDONG GIAC CON LAI KHI DA CHO
TRUUC MOT GIA TRI

Phuong phap

Str dung cong thic ¢ bang (2).

4 4 . ™ . , , ., . .,
Vidu 1. Cho biét cosa =~——5— [—2— <a< 71']. Tinh céc gia tri lugng giac
- con lai.
Gidi
16

Tu sinzcy+éosga:1:>sinza:l-——::—9—:>sincy:ﬂ:§. '
25 25 5

T . ) 3
Do 5<cv<7rz>sma>0:>sma-:g.

sin 3. COS (x 4
tano = =—— Vva cotqy = — =
cos v 4 sin o -3

f 3
Vidu 2. Cho tana= —/2. Tinh sin v, cos v, cot «v [7 <a< 27r1.
Gidi

N ' : 1 .
Tu tana.cotazlz#cota:—\/i:—.



. - 11 J3
Tu 1+tan’ o = 5 =cosla=——=— = cosa=t—.
cos” « 1+2 3 3
3n
Do -£—<a<27r:_>»cosa>0 :>cosa--\é—:
O sin . \/5
T tanoe = =sinq=tan®.cosq = ——.
COS (v
i pe 3sin® o — 4cosw
Vidu 3. Tinh gié tri biéu thic 4= véi tana =+/2 .

4sm a+3 cos:Z o

Giai

C6 thé tinh sina va cosa rdi tinh 4 nhung phic tap ; & day, do tinh
ding cip, ta chxa t&r va mau cia 4 cho cos® o, ta duoc :
‘ 3tan® o — 4 2

A= )
4 tan? a+3 Il

Dang 2. CHONG MINH MDT DAI\IE THUT. EIU‘A CAC EIA TRI
LUUNE GIAC.

Phuwong phap

e Dé chimg minh déng thic lugng giac c6 dang A= B, ta thuong sir
dung phuong phap chimg minh dai so, nghia la sit dung cac phép toan
dai s6 két hop v6i cac cong thic lugng gidc thich hop, bién d6i ve
phirc tap, vi du A thanh 4, don gian hon 4, tr 4, thanh 4, ,... cudi
cungla B. |

e DOAi khi str dung phép chiing minh tuong duomg hodc chung minh phéan
chung.

. ’ 2 ‘
Vidu 1. Ching minh: [ —1] —(1—cosa)’ = (tan o —sin ).
: . cosc

Gidi
Str dung héng ding thic a® —b?, bién dbi : -

2 . .
I 2 - ,
( —1] ~(1—~cosc.v)2:[ ! —1+1—cosa]{-—-1-———]»—l’+cosa
cosx - cosao coS &

[
Q]
~1



_,[lwcosza][]»—-—2cosa—|—cosza] sin‘w
cos

(I—cos (v)

COS ¥ cos”™ «v

: 2
sin v —sin ccos R
= =(tana——sma') .
cosa : , ~
Vidu 2. Ching minh : cosa(1+cosa)(tana —sina) =sin’ a.
Gidi

—sin ¢

oo ) sin o
cosce(1+cose)(tan o —sin ) = cos x (1 +cosa)[
: Cos

=sina(l+cosa)(l—cos )
— sin (‘1 — cos? o:) =sin’ o

, ) l—cosa sina
Vidu 3. Ching minh : - = . (1)
simao I+ cosa ‘
Gzat

Str dung phep chung minh tuong duong

(1)¢:>(l—cosa)(l+cosa)—8m o & 1—cos’ a =sin’

& 1=cos’ a+sin’a (dung Ya)
Vay (1) dung

Dang 3. THU GON MOT B'EU THUT LUDNEG GIAC

‘Phu'o’ng phép'

Pé thu gon biéu thirc chira goc o, phép toan hoan toan gibng nhu dang
2, chi khac 1a két _qua bai toan chua dugc cho trude. Truong hop két qua
thu gon 1 hang sd, ta ndi rdng ching minh biéu thirc doc lap véi o .

(1+cot” ) —l}tana .
Vidu 1. Thugon 4=— C()bza
14+ tan” «
Gidi
1+—'—-1"" (1—|—tan aml)tann , ,
A= tan’ ) ‘ (tan a+ l)tana — tan e
I+tan’a [+tan® o o
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sin® o cos’ o sin® o cos® o

Vi du 2. ThqunB-: - .
l+cotae l1+tane l—tanae 1—cotq

B B,
Gidi
a2 2 -3 3
B — Sin” « " COsS™ «v sSIin” ¢+ COoS™ v
(. : =
COS ¥ simn o SIno + coso
1 -+ — 1+ —_— +

Cosmno COS v

_ (sina+¢osa)(sin® o —sin cvcos v + cos’ o)

=]—sinacosw .

(sinc +cosa)
. - 3 3 <3 3 .
g - Sima v Cos” v Sin” aCos n cos™ asin
pSmae o, CoSa Ccosa—sina SInG—COSKY
- cosw sin o ‘

__sinacosw (sin® . —cos? )

: = —sinacosa(sina +cosa)
cosa—sina , :

B =1-—sinacosa—sin«cosa(sin o+ cosa) .

Vidu 3. Ching minh biéu thic sau doc lap ddi voi x :
‘ 2

A= 2(sin* x+ cos* x + sin’ xcos’ x)" —(sin® x +cos® x).
Gidi
{a = sin’ x

bat : ,
b=cos"x

= a+b=1.

Ta bién ddi, dua A v& dang chi chia a+b.
A=2(a* +p? +ab)2 —(a* +b4)
—2l(a+bY —ab| ~|(a? +5?) —22%]

2 "

2(1—ab)’ —'{((a +5) —2ab) — 2a2b2J
21— ab) —|(1—2ab)* —24%?]
2(1+a?h? — 2ab) —(1+2a*h* —4ab) =1.(dpcm)

Il

I

Il

' 3sin? (127_{]_ 2cos’ {:_81}
Vidu4. Thugon 4=—— 6 3 ).
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Gidi

. 197, [7( ] . [7r ] T 1
sin——=sin|—+37|=sm|—+7|=—-sin—=——.
, 6" 6 6 6 2

CcOS|———|=cos|—|=cos|3mT——|=cos|mT ——|=—cos— = ——.

3 : 3 4 3 3 3 2
sm[———]=sm(7r~—]=sm—~:-l—.
2

Vidu 5. Tinh B=tan1’ ;tah 2° tan3°...tan87° .tan 88° .tan 89° .
Gidgi
B = (tan 1°.tan 890)(taﬁ 2% tan 880)(tan 3% tan 870). ..
. .(tan 43° tan 470) (tan 44° tan 460) tan 45"
= (tan1° cot1°)(tan 2° cot 2°)(tan 3° cot 3°)....(tan 44° cot 44°) tan 45° ‘

=1 (do tanc.cotax =1va tan45° =1).
© Vidu 8. 4,B,C1a3 gdc cua tam giac. Thu gon biéu thirc :
P =sin(A4+ B).sin(B+C).sin(C+ 4)+sin(4+B+C).
Gidgi '
A+B=71—C=sin(4+B)=sinC.
A+B+C=n=sin(4+B+C)=sin7=0.
Viy ;- P=sinA.sinB.sinC.
C. BAI TAP

Bai 1. Tinh cac gia tri lwong gi4c néu cho biét :

. 12 37
) sina=—— [r7<a<—/|.
, 13 2
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Bai 2.

Bai 3.

Bai 4.

Bai 5.

1) A=

" 2) cota=2++3 [0<a<§].

Tinh gié tri biéu thiic :

. 22 2
\/ESIH CY“\/§COS « ‘. \/’i

1) A= - VOl tano =
\/chos2 o+ x/zsin2 «
cota—tanax . \/5 — \/5
2) B=—— v0i cOSQ¢ = ————.
' cotav + tan 2

Ching minh cac dang thirc lugng giac :
o . 2
h sin cose  l+cot’«
cosa+sina  cosa—sina  1—cot’ a

cos’ o -+ tan? e’

1+ cos? a.cot’ a

5 [ COS cx + tan «v

14 coscv.cot v

Thu gon céc bi€u thuc :
cos® o +sin® v + 3sin? ccos? o

4 . 4 . .
Cos «+sin «+ 2sin® cecos? o
cos® o+ cos? asin® o +sin’ v

2) B=— 3 2 2 -
SIn” o —+SI” acos” v +cos”

3 C= \/1+25inaco'sa —J1- 2sin v cos [%— <a< —74—7T]
Chimg minh céc bidu thirc sau doc 1ap ddi voi « |
1) A=cos’ al2cos’ a— 3)+sin? a'-(2s‘inz‘a ~3).

1+ tan® a '

1-tan’

2) B= cos* a —sin o) .
Tinh gia tri bleu thuc luong giac :
1) A=sin 100 +sin 200 +sin?30° +... +sin? 800 +5sin?90°.

5 T 3w
tan — 4 tan — cot— + cot -
2) B=|—2 6|4 4
™ T i T

tan — —tan— tan — —tan —

4 6 3 4

. 3-1 , P .
Cho sin« +cosa =+———. Tinh gia tri cta bi€u thirc :

1) P=sin*a+cos’a. 2) O =sin’ a+cos’ .
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Bai 8. Cho 3sina—4cosa=5 [2 < <7r] Tinh tanc.

5 ,
.. , . sin“« - , . .

Bai 9. Ching minh : 5 3 +cos® av.tan’® 8 = sin? o+ tan? G-

‘ v 4 cos” ‘

Bai 10. Cho asinx .siny+bcosx.cosy=0 vGi a=0, b=0, a+b=0,

x, y=(2k + l)-72E . Chirng minh :

1 + 1 a+b
qsin2x+bcoszx asin® y 4+ bcos® y ab
LOT GIAL
.. 144 25 37 , 5
Baitl. 1) cosfa=l-—=""r<a<—=cosa<0= cosaq=——.

169 169 2 13

12 3
tano = — va cota'=—.
5 2

]
—2-3.
2443
N2
1 _2+v3_(V3+1)
1+(2—J§)2 4 8
O<a<—72E #coscv:ig—z—»\é>0l

N
o2

2) tana =

sincq = tan (v.cos ¢ =

\/gtanza—x/_ 232
B+2wan’a B2 \/_ >

cosx  Sinw

| Bai 2. A=

p—Sina _cosa

; =cos’a—sin*a =2cos*a—1
cosa  sina ‘ ‘

sinae  cos
— 2
2[\/3—-\/5] 326

2 -2
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.. sin ¢ CcoS v ‘
Bai3. 1) —— ——
COSx+SIn¢y  COSCv—SIn &

_sinacosa-sin2a (51nacosa+cos af)

cos’ a —sin’
1
1 _ sinfa _ lHcot

) - - .
sinav—cos’a  l—cot’ v 1—cot’

) c " sina
oS v -+ ——
COScv +tan ¢ COS (v 2
2 = s=—| =tan”« ;
[+ cosc.cotar cos” v -
; 14+ —
SIN ¢y
sin* v
2 cos 1o + —_—
COS™ v + tan2 o COSZ x 2 '
— = T =tan” c.
1+cos” a.cot” o cos" o -
. 2
sin” o

Bai4. 1)Dat a‘: cos’a va b=sin’«. ,

a’ +b* +3ab _a +b3+3ab(a+b) (aer)‘3 B

a® +b% +2ab (a+b)’ la+b)
cos? ar(cos? o +sin® ) +sin® cos +sin’

2) B= - =1,
sin” Q’(Slll & +COSs cy)—#—COS (@3 Sll'l +COS O(.‘

A=

3) C= \/sin2 v+ cos? o + 2sin v cos v —

.2 2 .
—/SIN” v+ cos™ v — 281N x COS (v
= |sin o + cos o] —[sin v — cos o .

3 T sina<0<cosa -
Do —<a<—=1 nén :

2 4 Isin &t > [cos a )
C =—sina—cosa —(cosav —sinq) = —2cosa.

Bai 5. i)Détaécosza b=sin*a.
=2(a’ +5°)-3(a® +5?)
:2[(a+b)(a +62 —ab)|~3(a* +b?)
z[(a+b) 3ab| - 3[( +b) —2ab]
(a+b =—1.
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sin’ o

1
)+
2 , .
2) B=—2108_Q(cos? v —sin? a)cos®a+sin‘a)
| sina
cos’ a

1

(cos? a—sin® a)
=— ——\cos"a—sin"a)=1.
cos“ a—sin“ a

BaiG. 1) A=/(sin210° +sin®80°)+(sin? 20° +sin> 70°) + - -
-+ (sin? 40° +sin’ 50°) +sin90° |
= (sin?10° +cos?10°) 4 (sin? 20° + cos? 20°) + -
.-+ (sin? 40° + cos? 40°) + sin® 90° |

=35, ‘
tanﬁztan[ﬁ—zr—]:—tanZ[:«——\/—?— tari:jl—j-tanI:O
2) 6 6 6 3 - 6 6
cot%r:cqt[w—z]z—cot%::wl COt%Tﬂ-COt%:O’
=B=0.
2] : :
Bai 7. sina—{—cosa::—\/—gz;lééincncosd:l{[%] —~1l:—»-—~\—/§—

-1

3
1) P:sin3a+cos?a:[———2——] —3sinacosa(sina +cosa) _
(e o St
) 4 )\ 2 g8

2yTaco: cos® & +sin® & = (sin? @ + cos? &) (sin® & + cos’ a)

=sin’ a + cos’ a +sin® cvcos” a(sin v + cos )
Do d6: O =cos’ a +sin’ a —sin® a.cos® a(sina + cos )

33-1 3[3[37—1]_9,\/5-—1

T8 el 2 ) 32

Bai 8. 3sina'-4/cosa — 5= 25=9sin’ ¢ +16cos® o — 24sin v.cos .

. . .k . T
Chia hai vé cho cos® o= 0 (vi 5<a<7r), ta duoc :

9tan’a +16—24iana =25(1+ tan’ a) & 16tan’ @+ 24tan+9 =0



' @(4tancv—ﬁ3)2 :O@»tana;:——i—.
Do —g—<a<‘7r:>tana<0.Véy :tallcy%—-—z.

Bai 9. sin’ o+ tan® 3 —cos® a.tan® 3 = sin®  + tan? ﬂ(l —cos’ a)
=sin® o+ tan” 3.sin’ &
=sin’ a(_l—%—tanzﬁ)

sin® o ‘
= — = (dpcm).

COs

Bai 10. Chia ca hai vé cta gia thiét cho cosx.cos y ta dugc :

atanx.tany+b=0. (1)
" Tacd: R
| 1
-2 ot 2.
~asin“x+bcos”x asin® y+bcos’ y.
o 1 | |
cos® x c‘052y _ 1+ tan® x l+tan2y
atan’x+b atan’y+b atan’x+b atan’y+b
bt
|+
1+ tan? 2 2.
— A x | altanx (e (1))
atan“x+b b* :
atan”x)
i 1+ tan® x a® tan® x + b*

- 2 + -
- atan" x+b ‘ab(a tan‘x+b)
_ab(1+4tan® x) + a® tan® x + b

ab(a tan? x +b)
:(a+b)(atanzx+b)_a+b
, ab(atan2x+b) ab

D. BAI TAP TU LUYEN

) !
3sin*a—4cos’a+35

Bai 1. Tinh gia trj biéu thirc 4= vol tanae = —1.

. 2
- 4sin*a+3cosla—5
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Bai 2. Ching minh cac dang thuc luong gidc :
2 2 2
1) cot? x —cos® x = cot’ x.cos” x .
sinx—cosx+1 2cosx

2) = .
: l—cosx sinx+cosx—1

‘Bai 3. Thu gon cacbiéu thic :

: . 1 , .
1) Av:cosx,fl—Jr-S—_lp—f -sxn_x‘f--ir—gg)—s—)E [O<x <~7£].
, l—sinx ] —cosx 2

Z)B:\/1+1M1Ll

) 2 2. 2
SiIN“x c¢os"x tan"x cot"x

Bai 4. Chang minh cac biéu thirc doc lap dbi véi x -
1) A= sin® x(1+cotx) +cos® x(1—tan x).
2) B =sin® x+cos® x —2sin* x —cos® x+sin® x.

- . . . . 2 . - .2 -
Bai 5. Ching minh : 1—cos’ a—sin® 3+ cos” asin’( =sin” a.cos’ 3.

o
p

HUOGNG DAN - DAP SO
Bai1. A=-3.
Bai 2. 1)Biéndoive trai. »
" 2) Ding phép bién doi tuong duong.

Bai 3. 1)A:sinx—~cosx.' 2)B:v6.
Baid. 1) A=1.
_ la=cos’ a
2) bat =a=1-b
b=sin’ o

= B=0-b)+b" =20 ~(1—b)’ +b=0.
Bais. |—cos’a—sin?s —I—COSz asin?g = |
= 1~cosl2 a +cos? asin? 3 —sin® I5]
=sin’ @ — sinzﬂ(lmcoszct)
=sin’ (v(l'—«sin2 ,H) "
© =sin’ .cos’ ;3._

et L
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§ 2. CONG THUT LUDNG GIAC

A. TOM TAT Li THUYET

1. Cﬁng thire cfng

cos(a+b)=cosacosb—sinasinb

(
cos(a —b) = cosacosh +sin asinb

sin(a+b)= sinacosb +cosasinb

sin(a—b) = macosb—cosasmh
. tana +tanb
tan(cz+b):~—————f—
I—tanatanb -
. tana —tanb
tan(g —b) = —————
l+tanatanb

2. Cong thic nhan doi

sin 2a = 2sinacosa
2 L2
cos2a=cos a—sin‘a

=2cos’a—1

=1-2sina -
- 2tana

tan2g = ————
' l—tan‘a

3. Cong thire bién déi TONG thanh TICH

- a+ 3 oa— 3
cosa +cos 3 =.2cos +. .COS 2‘
a0 0 a1
cos« —cos [ = —2sin +ﬁ.sm s
o2 2
) ) . a+ 0 a—[
sinq +sin 3 = 2sin +f .COS Yzﬁ
. . a+08 . a—[
sina —sin 3 = 2cos ﬂ-.sny Gl
v 2 2
g sin(c ¢
tanaj:tanB:-—~—(--—'f-3—?~
cosa.cos 3
sin(8 +«
COt(\{iCOtﬁ:—_‘—Lﬂ——"““)‘
| sinc.sin 3

(1

(3)
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4. Cong thirc bién dbi TICH thanh TONG
cosa.cosh = %[cos(a +b)+cosla—b)]
sina.sinb:%[cos(’a——b)—~cos(a+b)] - 4)

sina.cosd :%[sin(a+b)+sin(a—b)}
i |

' B. CAC DANG TOAN

Vé phén ° CONG THUC LUONG GIAC”, cac dang toan va phuong
phap chimg minh tuong tu nhu phan §1 : tuy nhién & phin §2 nay, ngoai
~ céc hang dang thirc luong gidc co ban (cong thirc luomg giac co ban) ta dugc
phép dung cac loai cong thuc cong, nhan, bién dbi, ... thanh ra phép chimg
minh phong pht hon va di nhién ciing phirc tap hon ! 3

Dang 1. TiNH GIA TRI LUONG GIAC CUA GOC BAC BIET

Vidu 1. Tinh cos105°.

Gidgi
sin15° = sin(45° —30°) = [?—[-‘—/-—?’— ~—i].
202 2
cos105° = cos(15° +90°) = —sin15° = —[-—\/—_6——3—4———@]
_ , T 2
Vidu 2. Tinh cos—.cos—.
5 5
Gidi
A= cosz.cosgl = 2Sinz£A = smz—7T cosgzr—
5 5 5 5 5
1 . 4w
= —sin—
2 5
sin — |
= A = = —
4sin—



Dang 2. CHUNG MINH BANG THUT LUONG GIAC

2 .
tanzcv,-—tan‘ﬁ

Vidu 1. Ching minh': = tan(a + 3).tan (v~ 13).

1—tan? a.tan? 3
 Gidi

tan’c—tan” 3 (tanc+tan 3)(tan e — tan 3)

1—tan’ c.tan’ 8 (I —tana.tan 8)(1+ tan c. tan 3)

- =tan(a+p).tan (e - 3)

, . . : 1 ]| sin2ao
Vidu 2. Ching minh: |1+ tanq+ 1+tana — e
, COS (v ‘ cosa )  cos”
- Gidi
- 1) , 1 _ 2 1
I+ tano+——||1+tanov ———| =1+ tan ) ————
COS (v cos cos” «v
=1+2tanc +tan’ o ~(1 +tan? a) =2tana
_ 2sina_ 2sinc.cose  sin2a
coSs & cos’ o costa
, o l+cosa+cos2tx:+cos3(y
Vidy 3. Ching minh : , =2cos.
2cos” (v +cosav—1
Gidgi
I +cosc+cos2a+cos3a (14 cos2a)+(ces3a+cosar)
2cos” v+ cosa—1 (2cos’a—1)+cosa
. 2cos” v+ 2cos 2¢v.Ccos (v
c0s2cv 4 coS v
2cosc(cos2c + cos ) ~
= = =2c0S.

€OS 2cx + COS ¥
Dang 3. THU GON BIEU THUC LUDNG GIAC

Vidu 1. Thugon: 4= cos’ + cos? (4 B)—2cosc.cos B.cos(c+3).
- Gidgi

A= cos* a+ cos (v +,B)(Cos(a +3)—2cos a.cosﬂ)
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= cos (v+cos(a+d)( cosccos B —sincsin 3)
= +cos 2 —cos(a+3).cos(c—3)

N ,, |
= cos a—;[cos.\._cx—l—cosZ/}} "
1 ‘ ] . ' -
:cosza—E[ZCosza—l+2cosz[j—l]

=cos’ v —cos* v —cos® B+1= +sin? 3.

Cach khac.
A= cos’ a+(cosc.cos 3 —sinasin 8) —

—2cosacos 3 (cos cos 3 —sinasin 13)

= cos® o+ cos? arcos® B+ sin® asin® B — 2sin v cos v sin HCOS,B—-

—2cos? acos® B+ 2sinccosasin Feos 3
2 2 2 . .2,

= cos® v —cos” cvcos” 3 +sin® asin’® 3

. 2 9 ) -2 4

= cos’ (x(l —cos® 3)+sin® asin® 3

by . Lo . L2 .
= cos? cu.sin? B +sin? c.sin® 3 =sin? 3.

2
2 i, cot’ 2c —1 SV
Vidu 2. Thu gon biéu thic : B=———————cos8a.cotdx.
: 2cot2cx ‘
Giai
© . cot’2a— 11 1 1{cos2a sin2«
Tacd: —— cot 2¢x — =—|— -
2cot 2y 2 ; - cot2a 2 sin2¢  cos 2w
B cos’ 2a—sin2a cos4a
2sin 2cvcos 2 sinda
cosda cosdq  cosdq
Do d6:B= —Ccos8cy-— == (1—cos8a)
sin 4« sindae sinda \

cos4a . .
= .2sin? 4c = sin 8« .

sin4aq
Dang 4. CHUNG MINH BIEL THUT BOC LAP BOI vl .

Vidu 1. Chung minh biéu thirc sau 1a mdt hang s6 :

y= \/sm x+4cos X — \/cos x+4sm X —Cos2x.
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Giai

y= \/sin4 X +4(1 —sin? x) ——\/0034 X +4(1 —cos? x) —CoS2x

! . 2
= \/(si1’12 x—2)2 -\/(0052 x—2) —C0S2x

=lsin? x—2|— lcos? x — 2| — cos 2x

. : Ly
-——2—smzx-—(2—cos2 x)~cost :vcoszx-—sm xX—cos2x=0.

Vi du 2. Chirng minh biéu thic sau khong chira x :
3tan® x

1 6
Yy=—F——tan x————,
Cos” x cos™ x

- Gidi .

.6 ) . . . 2
1—sin®x 3sin?x l—sm(’.x—Bsmzxcosx

cos® x cos’ x cos® x -
_ (l—sin2 x)(l +sin’® x +sin* x)—3si112 xcos? x
cos® x ‘
. 2
2 . 2
cos” x. ) .9 (l—sm x)
= — (1+sm4x—23m‘x) =—=1.
cos” x , ‘ cos” x

Dang 5. TiNH GIA TRI CUA BIEU THIT

Vidu 1. Tinh gi4 trj biéu thirc : 4 = sin15° + tan 30".cos15°.

Giai
: in30°
A=sin15" + 22;300 -cos15"
1 . : 2 .
= 5 (sin15% cos 30° 4 cos15° sin 30°) = —Z—sm 45" = —\/E— .
cos30 J3 3

Vi dlj 2. Tinh: B:coslcosﬁéosﬂcosﬁ.
\ ' 17 1 17 17

Gidi

16- CDT&PPGDAISG10
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= —8sin—Ccos— = _—
17 17 8 17
. lér
sin —— 1
Vay : B= 7 -
- 16
16sin—

Vi du 3. Tinh C = tan9’ —tan 270 —tan 63 +tan81".
Gigi- '

C = tan81" + tan9’ — (_tan 63° +tan 27° )

~sin90’  sin90” 1 !
c0s81%.cos9’  cos63".cos 270 sin9%.cos9’  sin27"sin27°
2 2, sin 54° —sin18" . cos 36".sin 18’ B
sin18”  sin54° sin18%sin 54" sin18°.cos36"
C. BAI TAP

Bai 1. 1)Cho sina:%,cosb:%{()<b<g~<‘a<7r]‘. Tinh a+b.
. 1 1l 7T], , ; :
2) Cho tana=—,tanb=~|0<a,b<— .Tinh a+b.
~ 2 3 2)
Bai 2. Cho a,b 13 hai goc nhon. Ching minh diéu kién cn va du dé
a+b=% 1a (1+tana}(l+ta11b);2

‘Bai 3. Ching minh cc dang thuc :
1) tan(a+ U) —tana — tan 3 = tan(q -+ 3).tan . tan 3.

sin(c + d) sm(n —d)
cos? a.cos® 3

2) tan? v~ tan® 3 =

Bai 4. Chung minh céc déng thure :
' sin* a—cos* a+cos® ,Q
1) =Co0s" —.
2(1—cosa) 2
2) com —tanq—2 tan 20 — 4tan 4o —8tan 8 = 16cot16ax .-

cos® a.sin . —sin” a.cos o
3) =cos2a.

¢os® asiner +-sin’ a.cosae N,
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Bai 5. Chung minh cac déng thuc :
1) cos3a. cos’ a +sm 3a.sin® a = cos’ 2a.

, 7 .
2) 14+2cos2x+2cos4x +2cosbx = sin 7x
sin x
2
3) tana_+cota+tan3a+cot3aezg—c_o—s—mg.
sin 6«
Bai 6. Thu gon céc biéu thic : ' 4
o : 2 .o 4
1) A =sin’ x +sin’ JH—-%]—F_SH]2 x+f——:—57—r,].
2) B= sin x 4+ sin 7x +sin 8x -
1+cosx+cos7x+cos8x
3 C= L~ [—Z<x<—7£
‘ cos x +/tan® x —sin” x 2 2

Bai 7. Ching minh biéu thiic doc 1ap ddi véix :

. . 19
1) A= sin 6x +sin 4x -+ sin 2x

sin 2x.cos 4x +sin 2x.cos 2x +sin 2x
cos3x.sin’ x +sin3x.cos’ x

2) B= -
sin 2x.cos 2x

Baig. Tinh gia tri cac biéu thirc luorng giac :
1) A= tan12".tan24" + tan 24° tan 54° + tan 54°.tan 12°

x+-}
4

10

2) B =sin* x4 cos* x + sin +Z] +cos*

LT
3)C-—-cos ——+c0s +cos ——~+co
5 5 10

Béi 9. Cho sin(a+28)=3sina. Chung minh : ta11(d+,8)——4'2tan6. '

‘Bai 10. Chung minh : cos +cos /3 +cosy +cos (a+ B+ 7) =
a+ﬂ ,ﬁ+7 0s 1

: | o2 2

Suy ra trong mol 1am gidc ABC ,tacd:

=4 cos

cos/élJrcosBJrcosC—1+4$m—f2/11 smg— sm% '

va néu Sin-?.sin —gi.sin% = 3 thi AABC latam gidc déu.
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Bai 1.

Bai 2.

Bai 3.

244

a+b‘:%:>]:tan(a+b)=

& tan a+p

LO1 GIAI

1) cos a-1—-l§—:—?——=>cosa:-§<0.
25 25 5

sinz'b:1~—?~:1—6—=>sinb:i>0.
25 25 5

cos(a+b)=cosacosb—sinasinhb=————=—1=qg-+b=r1.

2) tan(a+b):w:’1:>a+b=1.‘
l—tana.tanb , 4

Ching minh : a+b ¥~§=> (1+tan‘a)(1+tanb) =2

tana +tanb.
— e

] © l—tana.tanb
< l—tana.tanb=tana +tanb
& 2=I1+tana+tanb+tana.tanb

& 2=(1+tana){l1+tanb)
Chung minh : (1+tana)(14tanb) =2=a +b :—Z—

(14+tana)(1+tand) =2 = |+ tan a + tan b+ tan . tan b = 2

< tana + tanbh =1 —tana.tan b
tana +tanb

l—tana.tanb
Stan(a+b) =1

=a+b z%(a,b gbc nhon).

1) tah(cv-{—ﬂ)——tan'a—tanﬁwtén(a+ﬁ).tanaf.tanﬁ3
(1—tana tan 3) = tan o + tan 3

)

tan o + tan 3 .
| )= l—tancq.tan 3’ (ding).
. 31n(a+ﬂ).sin(a46)':

cos® a..cos® 3

(
& tan(a + 0

(sm acos 3+ cos asin ﬂ)(sm « cosﬂ cosasin )

cos? a.cos ﬁ

(1)

)



Bai 4.

< 2 2 . . -
sin” cecos” 3 — cos? asin® 8

v . .
> > = tan’ o — tan? 3.
cos” ccos” 3 ‘

- . 4 2
1) SIH4O{—“COS4G{+COSZC¥_ sm4a-cos Q-+ CoS™ «v

2(1—cosa) o 2(1—cosa)
_ (sin? a +cos® a)(sin® a — cos® o) +cos® «
2(I—cosa)
sin® l—coe « )
= =CO0S —.
" 2(—cosa) 2(1—cosa) 2
2 2)Taco:. ‘
cosx sinx cos®x—sin®x
Cotx —tanx = — — = -
sinx - cosx sin xcos x
2 o
———-—-(_:Os,zxzzcoth. (D
sin2x
Do (1) nén: :

cotov—tanov —2tan 2 — 4 tan 4ev — 8tan8a-

= 2cot 2 —2tan 2o — 4 tan 4o — 8 tan 8a

=4cotda—4tanda—8tan8a

=8cot8x—8tan8a =16cot16cx . _ _

3) cos’ .sin o —sin® av.cos o . sinacosa(0052 « —sin® oz) '
cos’ a.sin & +sin® a.cos a sin acosa(cosz a +sin? cy) -

= Cos 2a '
1) cos3a. cos a—l—sm3a sin®q =

= c0s3a.cos a.cos’ a + sin3a.sin a.sin> a

(H—cosZa] l-—cosZa]

:—;—(cos4a+0032a) +%(c032a—cos4a)[

= %[cos 4a + cos4a.cos2a + cos2a + cos’ 2a + cos 2a — cos? 2a—
—cos 4a + cos 4a cos 2a]
1 ! 1

=7 2(cosdacos2a+cos2a) = ECOS 2a(cos4a+1) =cos® 2a.

2) 1+20052x+20034x+2cos6x- sin 7x

sin x
< sinx 4+ 2sin xcos 2x 4+ 2sin x cos 4x + 2 sin xcos 6x = sin 7x
< smx+sm3x—smx+sm5x~—sm3x+sm7x-——sm5x = sm7x

& sin7x=sin7x (dung).
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3) tan o +cot @ + tan 3 + cot 3av =
= tan 3cv + tan o + cot 3cv + cot &
_ sinda sin 4«
"~ cos3acosa  sin3a.sina
sm 4cv(sin 3a.sin o + cos 3. cos (v)

sin3q.cos 3. Sin ce.cos o

_ 4sin4a.cos2a SSivn'Za.cosz, 200 8cos? 2a
sin 6¢.sin 2« sin 6¢v.sin 2« sinba
o | cos2x ~1—cos[2x+i7£] 1—cos 2x+~8£]
BaiG. 1) A= n 3/, 3

2 ‘ 2 2

2“43 ]H |

= —;—[3——cos 2)«7—2003(2)54«27r).cosg3I

—|3—cos2x—

245
cos 2x+ 3 + cos

:%(3—cos2x+0052x):1.

.‘ (sin8x+sin x)+sin 7x
2) B=
(cos 7x +cosx) + (14 cos8x)

Z‘Sin 22{005-75E 4 2sin 7—x.cos Z{C— |

2 cos4x.cos3x +2cos’ 4x
2cos 7—x[sin 9x +.sin Z{J

= ( 2 _ tan4x
2cos4x(cosdx +cos3x) 4COS4xcos~7——c0§£

7x
4cos—=sin4xcos -

3) C= L =
cosx—l-\[smzx——sinzx cos 2+ sin“x\l—cos” x
_ cos” X -~ cos x|
i ’ 1
= —— =COSX (do cosx>0).
sin” x
cos x.+
COS X
J - _ . '
Bai7. 1) 4 (sin 6x +sin 2x) +sin4x 2sin4xcos2x +sin4x
il 4= = ==

sin 2x(cos 2x 41+ cos 4x) sin 2x(cos 2x + 2 cos? 2x)
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_ sindx(l +2c0s2x) _
“sin2x.cos2x(1+2cos2x)

. . . 2
cos 3xsin xsin” x 4 sin 3x cos x cos” x

2) B= ,
sin 2x.cos2x

(sin4x —sin 2x)(1—cos 2x) + (sin 4x +sin 2x) (1 + cos 2x)
- 4sin2xcos2x '

](s'in 4x —sin4x cos 2x —sin 2x +sin 2x cos 2x +

2sin4dx
+sin 4x 4 sin 4x cos 2x -+ sin 2x + sin 2x cos 2x)

= .1 (2sin4x+25i112xcos2x):i',
2sin4x ‘ . ‘ 2

“Baig. 1) A= tan12 tan24° - tan 24° tan 54° + tan 540’_t’an120
= tan 540 (tan 24° + tan 120) +tan12° tan 24°
= cot 36° (tan 24° + tan 12°) + tan 12° tan 24°
_ tan24’ 4 tan 12°

tan 36"

tan 24° + tan12°
= tdn 30 itan [0 -+ tan 12° tan 24°
. fan anl2”
1— tdn 24° tan12°

=1-tan24" tan12° +tan12" tan 24° =1.
™
x+—]
4

: WJ' 2[ 7r]
X+—|cos“|x+—
4 4

/
+tan 12° tan 24°

-+ cos?

2) B =sin* x +cos* x +sin’ (x +%

. =1-2sin? xcos® x+1—2sin®
: ] .2 ' 1 ) ’ 71'
=2——sin° 2x——sin“ | 2x +—

“2 2 2)

‘ 1, :
= 2——~(sm2 2x + cos? Zx) = -—3—
2 ‘ 2

3) C’zcoszzr—#»coszgz—H:oszzj—r——kcos‘z9—7T '
-5 5 10 10
1+cos%71 ,'1+cosi1—7£ : 1+cosz7£ ‘ 1+cos~9——7rr—‘

2 2 2 2
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Bai 9.

Bai 10.

- 248

—~2+cosﬂzr—[
10

[ 97 27 T
4+cos-——+cos——+cos—+cos——
5 5 5

o1l ™ T
COS— +cos— | =2 +2¢c0S——COS—.COS—
10 0 1 10 2 5

47r]

1 37T]

1 [4+ZCOS% cos7—+ 2C0S——.COS—

10 10 10
77r 3

=2 (do cos—g—:()).

3sina =sin(a +23) = 3sin o = sin acos 23 + cos cv.sin Zﬁ

Chia hai vé cho cosca.cos2f3 ta duoc :

Stana tan v+ tan 23
‘ cos2(3
Ap dung cong thire nhan
' . 2
c0s 2 = 1- tanzg
l1+tan” 3
Ttan23 = ___2_t_a£l_é?)__
_ l—tan” (3
) : v . 1 . 2 t -
(1)®3tana( +2ta‘n‘ m:tancw 2 anﬁi
1—tan“ 3 I —tan* 3

& tan o + 2 tan o tan® 0= tanﬁ

& tana+tanﬂ+2tanatan" d.~2tanﬁ

& tana+tan 3 = 2tanﬂ(17tan cetan 3)
tan o + tan 3 '

l—tan.tan 3

= 2tan j.

Ap dung cong thirc bién ddi tdng thanh tich :
cos v +cos 3 +cosy +cos(a+ 3 +7)

= 2cos

= 2¢0s|—

=4cos

a+0

o)
+ oo

Q
+ o
o

[\

cos|—

COS[

a+ﬁ—l—’y]+cos[ :
2 2

amﬁ]-&—Zcos[M%—wlcbs[m]
2 ) 2 , 2

a—7)

: .COS(’Y'-}—
R

.cos[L ;’YJ (dpcm).

(1

(1)



Apa’ung]
Véi AABC = A+ B+C = 7r:>cos(A+B+C)
A+B © C 'A+B'J : [c]
=sin|—/|.
2 2

—_———— 0S
' . . A . B.
(1) :>cosA+cosB+cosC—l:4sm~g—.sm7.sm—2— ‘

2 2 2

@cosA_+cosB+cosC:1+4sm§.sm—2—.sm—§— 2)

A'p dung 2. Néu sing.sinﬁ.sing = é ,tacd:

(2):>cosA+cosB—_l—cosC:l+-§:%
@2COS{A+B]COS A~B]+1“25i g:_
{2 o2 2
o 2sin> £ 26in € cos _B] L =0, (3)
2 2 2 ,
C

| Bai toan c6 1oi g1a1 & (3) co nghlem sm;

< A’ =cos® [AZB]—J:—;sinz[a;B] >0

& sin’ %):() (A"=0)
Vi A" =0 nén phuong trinh (3) cé nghiém kép. Viy :
| [4-B=0
- « (A=B
] {A—BJ singz—l— » ' .
. |sin =0 2 2 C 7
. C 1 A—B —4—{9:7r (loai) 26
TN 2 € 227 (1oai)
. C ] 2 6
sin— = ——.
2
- [4=8B
3

= AABC déu.
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Bai 2.

250

Thu gon céc biéu thic :

D. BAI TAP TU LUYEN

Chimng minh cac dang thirc lugng giac :
1y sin B —cos’ (a— 3) + 2 cosav.cos 3.cos (a— B) = cos’ v .

.. cot’ 2ar — cot’ v _ 1+2cos 2

P

I—cot’2a  tanda
3) cos’ (:af+ﬁ)-|—cosz(a'—b’)—cosZw.cos2ﬁ;:1.

. 2‘ s ,4‘
1) A= cos® x +cos” x+~~-7—r + cos® x+-7£].
o 3 .3
sin® x +cos* x — lsin2 2x
‘ cos” x—sin” x
3.) C— sin 7cv + 2 sin 8cv + sin 9

sin 3a+ 2 sin Ao +sin5a

Tinh gié tri biéu thirc : '
1) A=cos 68" cos 78° +cos 12 cos 22° — coleO

2) B = cos20° cos 40" cos 60° cos 80"

HC= cos%ﬂcosz—:—.—l— coséz.

Cho tanq = —_1/— , tanf = % . Chimg minh : cos2a =sin4j.

Cho tan(a+ 3)=3+22, tan(a—ﬁ):-\é—:. Tinh géc B (cho

,m&0<ﬁ<§y

HUOGNG DAN - DAP SO
1) Dfmg cong thirc cdng, bién ddi cos(c—23).
2) Bién doi vé trai v& sin va cosin cua « va 2c bang cach dung

cosu .« \ ALy
cong thirc cot U= va két hop dung cong thuc :
- sinu . : R

/ sin3a = 3sina —4sin’ a.

e



Bai 2.

Bai 3.

Bai 1.

Bai 3.

Bai 4.

Bai 5.

Bai 6.

4Chung mmh

3) Sir.dung ¢ong thirc bién ddi tich thanh tdng.

I)A:-;—. ‘ 2) B=cos2x.
3) C=2cos4a.

1
1) A=0. ' 2) Bleg(téch riéng cos 60" =-2~)

1
3) C = — (nhan cho 2sin£).
2 7

Dung cong thirc nhan doi.

, lu=a+p T
Tinh tan(u —v) véi : = F=—.

v=a-—03 8

dN TAP CHUONG VI

A. BAI TAP TONG HOP o

Chung minh déng thic lugng gidc :

cos3 -+ tan3 «

{ COS (v -+ tan «

14+ coscv.cot i 1+ cos’ cx.cot’ o

Thu gon biéu thic lugng giac :
4 o2 : ' 20 52 .2
COS (v +COS™ (vSIn” (v -+ sin® o 4 cos* o +cos” s’ v —SIin"

4 2 2 . 4 .2 N
sin* «v + sin? cv cos? t+Cos”™ v sm_4 v+ sin acQsza—cos v

Tinh gia tri cta biéu thirc luong giac :

cos* o —sin® v +1
A= o vOi tan o =

sin* v+ cos” (v +1

l\J[r—‘

sin3—3cos 3
3sin 4 +cos3

Cho tana = . Chimg minh rang tan(B—a)=3. "

Ching minh dang thire lugng giac :
sin(a + 3).sin(e— 3) =sin® o —sin® 3

v

I ] Loy, 1 ).«
o+ 1+ — I+ 1+ = cot—tan 8.
cosc cos2x cos4a )\ cos8a -2
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Bai 7.

Bai 8.

.-
Bai 9.

Tinh gié tri biéu thirc : 4 =sin®7° +sin? 53° + sin? 67_0 )

Ching minh :
1 1 N ! PR _4cos2a
cosacos2a  cos2dcos3a cos3acos4a = cosdacos5a  cosSa '

Cho AABC voi O<B‘<‘C<g— voi tan B va tanC la nghiém

ciia phuong trinh x* — (3 - \/3~)x +2—/3=0. Tinh céc goc cua
~tam giac ABC. ' ‘ ;

Bai 10. 1) Ching minh moi AABC ,tacé:

Bai 2.

252

A B B C C 4
tan —tan — -+ tan —tan — + tan—tan— =1,
2 2 2 2 2

2) Chimg minh, néu AABC thoa Wi:: tan A thi
cosA+sinB 3}

AABC vudng.
HUONG DAN - DAP SO

, . A repw A 9 g - 3
Chirng minh vé trai bang vé phai bing tan” «v.
Tinh bang cach dat nhan tir chung :

2 . -2
cos® v+ cos? asin? +sin” «

A== 2 i) =1
Sin a+sm acos (v+cos o

cos o+ cos « sm o — sm 0}

A= =1

sin® v+ sin® ccos? a—cas’ a
A=A +4,=0.
Chia tir va mau cho cos® = A= 2‘9—1
: . 346
sin 3 —3cos 3
3sin 3 +cos 3

St dung phuong phap tuong duong, két hop vdi cong thic cong
hodc ding cong thic bién ddi tich thanh téng, bnen dbi vé trai.

Chia tor va mau cua tano = cho cos 3.

Str dung 1+cosa:2cos“-§-. '

St dung cong thiic ha bac va bién 601 tong thanh tich, suy ra
A=3/2. - -



Bai 8.  Gop thanh hai tong va ap dung cong thirc bién dbi tong thanh tich.
Bai 9. Hu6ng dan : Giai (1) :
x =2-3<1

x, =1.

Do B<'C=>C=%.
Sir dung Dinh li Vi-ét, suy ra : ~
ta11(3+c)=ﬁ=>B+C=§;>B:-l-7-r2— va A:—;-.

‘T C
2 2)

:>cos(A+B):0

Bai 10. 1) Khai trién tan[ At BJ = tan

L4 . sin A
2) Bién do6i tan 4 = il

COS
s A+B="wc=",
20 2

B. CAU HOI TRAC NGHIEM

cau 1. Két qua nao sau day ding (« 1a mét géc tuy y) ? ‘
L A)sinfa+cosPa=1. B) sin” 2a +cos? 2 = 2.

. ¢ a1 . :
C) sin® & yeos? L= 2 D) sin’ a+cos’ a=1.
2 2 2

Cau 2. Két qua nao cho ta tim dugc goc « ?

. 1 . 5
smcy:z sma:E
A B,
) 3 _ ) 12
cosq ==, cosq =—.
4 13
sind-‘-\/}‘—' #
S R sina =0,3
C) ‘ D)
2 coscx=0,7.
v COSO’.:"—:}—.

. T ,'\- JO N i
Cau 3. Cho P <a <. Ket qua nao sau diy sai ?
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Cau 4.

CauS.

Cau 7.

Cau 8.

Cau 9.

254

A) cos(—a) <0, - B) sin{a—~—§]>0.

C) cot

z)§£+(,y]<0. D) tan(a+m)<0.

AT
cos——4—— cogiatrila: -

A) '_,_\/_5_. | | B)[%
2 : 2

) RN D) -1
2 ; 2

Biéu thurc nao sau day phu thudc vao x ?

+sin(r—x)+cos(m+x).

A) sin [ZT— - x}—i— cos[zz +x
2 2

. cotx ' tan x
B) :

1—cot2x.1~—tan2x'

) 3(sin* x +cos® x) — 2(sin® x +cos® x) .

D) (tan x+cot x) -4,

s
4

1~—sm2a M\/H—sin2a¢ |

- - — <<= ] duoc rut
1+sin 2« ] —sin2¢ 2

Bfiéu thirc y = \/

‘gon bang :

‘A) 2tan2a. ‘ B) —2tan2« .

C) tan 2. . D) —tan2a.

Biéu thuc y — \/Sin4 x—+4cos’ x + \/0034 x4 4sin’® ¥ co gia tri 1A
A) —3. - B)2.

C) 3. : D) 4.

Bidu thirc y = cos?15° +00s35" +cos 55” +cos 75" ¢6 gia i 14 :
A) 1. : B2. )

C) 3. - D)4 :

Biéu thic sau c6 gia tri bang bao nhiéu ?
y= tan 10" tan 20° tan 30” tan '40° tan 50° tan 600 tan 700 tan 800.
A)l ' B) 2.

C)_3. . ‘D) 4.



Cau 10. Bidu thic y =|1+tan” @ +— > ]ll +tan’ o — bang :
: cos” . COS” (v
A)0 ‘ B) 1.
) 2. - D) 3.
4 .2 2
a ., - costa+sina—cos s
Cau 11. Bi€u thac y =— + > - bang :
: SN @+ Ccos™ (v —SsIn” )
A) tancv. ‘ " B) tan’ .
C) tan” «v. ’ D) tan® « .
T [
. ‘ cos[x—~J.cos[z-x] ‘
Cau 12. Biéu thic y=——— 4, : ¢d gia tri bang :
’ sin®| x + =
; 4
A) -2. ' ~ B) —1.
o) 1. T D) 2.
Cau 13. M6t hoc sinh 18p luén :

\2

) . . 2
(D) (sin? o —cos® o) =sin* a+cos® a —2sin’ arcos’ v .

o 2
~ (D (sin? o — cos> @) =1—4sin’ acos’ o = coszv2a .
(IIT) si'n2 o —cos’ o = cés 2cv.
Hoi, néu 18p luéin trén la sai thi sai tai :
A) (I). : B (1D).. :
C) (III). | - D) Lapluan dung.
Cau 14. Ciu nao sau day sai ?

A) si11x+cosx:\/§.si11 x+%].

B) sinx—cosx = ﬁ.sin[x—%].

C) cosx —sinx= \/E.cos[x~£—} .

e
X ——

4

_tanx—l

D) tan —.
o tan x + 1

o ‘ L 3
Cau 15. « va § la hai goc nhon ma tanc :; va tanﬁzz. Goc oo+

co gia tri bang :
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T
\ B) —.
A) )4

0) D) Két qua khac.

w3 oy

Cau 16. Bicu thic y=(1+tana)(1+tan ), voi o, 1a hai géc nhon
thod o+ = %, c6 gié tri bing :

A) 1. B)2.
C) 3. . D)4 |

Cau 17. Biéu thic y =sin15° +tan30°.cos15° ¢o gia tri bing :

s B

A B) -
Q) —\/(;—3— | D) ?.
Cau 18. Biéu thirc ) = sin «v.cos «v.cos 2cv.cos 4o bang :
A) sin8c . . -~ B) ésin v
C) cosSa. ‘ D) %cos 8av.

W3

; sin20°  cos20°
A1, B2
)4, | D) 8.

Cau 19. Biéu thic y c6 gia tri bing :

3 . .
_(€OS” s v — sm3 QCOS (¢

€au 20. Biéu thic y c6 gia tri bang :

sin 4qv
o1 1
A) —. B) —.
) 4 . ) 2
C)2. . D)4,
€du 21. Biéu thic y= cos%.cosg—g c6 gié tri bang :
1 1
A) —. ‘ B) —.
) 4 - ) 2 _
C)2. D) Két qua khac.

1256



Cau 22. Biéu thirc y=sin10°.sin50°.sin 70" c6 gia tri bing :
1 ' 1
A) —. B) —
) 4 . o ) 3
0)2. o D) Két qué khéc.

; - X . . 7 g 4" ', Iy Y
Cau 23. Cho biét sina+cosa = 3 Héi tana c6 gia tri nao ?

‘A) tana —<—3- ‘B) tana = i
4’ 3
4
O tana—-—z—» : - D) tana—EVtana:—-,—.
| ‘ 3 T4 3
_Cau 24. Biéu thL’rc A=(sin75° + cos15°).cos 750 c6 gié tri bang :
A) % B ~ | B) l/—?’—
o) V2 f +f
2 o 4
. 0 . . '
Cau 25. Biéu thuc B= COSlSO c6 gia tri bang :
cos75 . ‘
A) 2—+/3. B) 2++/3.
oO3-2. D) Két qué khic.

Cau 26. sin® 7°30" c6 gia trj 12

4+f+J— | 4+x/~+\/_
4ff | 4ff

T 4
J15

, ‘Eﬁu 27'.‘ Cho sin2a=——4—— [O<a <g_] . Hoi tam-O;~ c6 gia tri nao ?
VE L aE

2W10-5 » —2J10-5

C) ————. D)
Vi5 V15
. 1 S S e AR ‘
Cau 28. Cho + + + =--2. Héi sin2x c6 gid trinao ?,

cosx sinx tanx cotx
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A)IO. - B)L

C) —-1. D) Khéng tinh duoc.
: 1 11 1 ] e
Cau 29. Cho s—+—5—+——F—+—5—=06. Hoi cos2x cb gia tri
"costx smTx tan"x - cot”x .
nao ? -
A)0. - B) 1.
O)2. ‘ D) 4.

Cau 30. Cho A4BC c6 cic goc la A,B,C. Gia st phuong trinh sau day
¢ nghiém kép : :
(sin B —sin C) x* +(sin C —sin A) x +sin 4—sinB=0. .
Ménh dé nao ding ?
A) Véi moi AABC, néu phuong trinh bac hai tdn tai thi nd co6
nghiém x=1. |
B) 2sinB=sin4+sinC.
O sin? B>sin 4.sinC.
D) Ca 3 déu dung.

Cau 3 1. Biéu thirc cot15° —tan15° c6 gia tri bing bao nhiéu ?

A)2. B) 2./3.
C) 3. Dy4.
- Cau 32. Biéu tlll’l'é cot15% +tan15° ¢6 gia tri b?mg bao nhiéu ?
| A) 2. B) 24/3.
C) 3. D) 4.
Cau 33. Biéu thic —————2sin70° ¢6 gid trj bing bao nhiéu ?
2sin10
A)2. B)4.
1
Q) 1. D) —
)1 , ) 3
0 0 .
Cau 34. Biéu thie 2 2% '095800 c6 gi4 tri bing bao nhidu ?
sin30” —sin10
| S
A) —. B) 1.
)5 - )1
C)2. | D) 4.

Cau 35. Biéu thic (cot9® +tan9°)sin18° ¢6 gia tri bing bao nhidu ?
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Cau 36.

Cau 37.

Cau 38.

1 | |
A) —. , - B) L.
)3 | )
C)2. . D) 3. (
Biéu thirc cot 20° +cot10° + tan 20° + tan10° c6 gié trj bang :

A3 | B)[i

C) 2\/5 . : D) Két qua khac @

Trong 4 biéu thirc sau : |

A) sinA+sinB+sinC ; B) cos4+cosB+cosC ;

C) sin24+sin2B +sin2C ; D) cos2A+cos2B +cos2C.

Biéu thirc nao c6 gia tri 4sm A.sinB.sinC, véi A4,B, C la cac,

gbc tam giac ? |

Trong tam gidc thudng ABC, cau nao sau day dung ?
A) tanA+tan B+tanC =tan A.tan B.tanC.

B) cot A+ cot B+cotC = cot A.cot B.cot C.

O sinA—{—sinB%sinC-cosA—!—cosB+cosC'.

Cau 39.

Cau 40.

D) sin 4. smB sinC=cos A.cosB.cosC.

AABC néu c6 quan he sin 4(cos B+ cosC)=sin B+sinC thl do

la tam gidc gi ‘7 _
A) cén. : B) vuéng.
C) vudng can. D) déu.

Dé tinh cos75°, bdn hoc sinh A, B, C, D dua ra 4 cach chung

minh sau day. Hm phuong phéap clia em nao khéng cho ra ket qua ?
A) Dung cong thirc cdng :

cos75% = cos(450 + 300)

= c0s45° .cos 3‘00 —sin 45° .sin30°

B) Dung cung phu, két hop cong thirc cong
(€08 75°=sinl5"
cos15=sin75°

c0s75°.cos15% =sin 75° .sin15% = 0

C) Dung cong thirc nhan : .
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sin45° =3sin15° —4sin®15° = ﬁ |

Suy ra sin15° = cos 75° 1a nghiém ctia phuong trinhﬂ :

V2

4P —3t4+-==0
2 .

- D) Duing cong thirc bién déi -

- ¢0875° +c0s515%=2c0s45°c0s30% =

* J2

c0875° —cos15% =—2s5in45°sin300= — =

o2
2

ol5

2c0s75° =

GIAI THICH - HUGNG DAN
Cau 1. CauA). |
25 144

Cau 2. Céu B), vi sina+cos’ @ =——+ =1.
169 169

B 37 - : T T -
Cau 3. cot —é——-{~a = cot 7r+—2—+a == cot 3—1—@ =—tana >0
(do -723<a <7 = tana<0).Cau C).

Cau B cos47—7T:cos[lZw—z}:c‘os[wz]:0051:[2.CéuB).f
, . 4 4) 4 4 2

. \2 ) ‘

Cau 5. (tanzxﬁ—cot2 x) —4:(tan2x+cot2x~2)(tan2x+cot2x+2)
| —(tan x —cot x)* (tan x -+ cot x)°

' 20 ., ) )2

[sm X -+ CoS x]

sin x.cos x

_ [sin2 x— (x‘)s2 X

sinx.cosx

2 , 2 o
:4cos 2x 4 - 16cos”2x (phu thudc

: B sin?2x sin®2x sin 2x
vao x). CauD). ‘
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sina—cosa|_[sina+coso¢]

Cau 6. = .
sina+cosa| lsina——cosa'

' . f . 2
_ (sina—cos o)’ —(sina+cosa)

2 - 2 (vi— <cosa <sina<l)
sm” e~ Ccos” & 2

—2sin 2« A
=——+——=2tan2«a . Cau A).

—cos2a -

Cadu7. y= \/sin4 _x+4—-—4s'in?‘ X —l~\/cos4 x+4—4cos’x
= |sin2 X— 2| “+- lcos2 x— 21
= (2 —sin? x)+(2 —cos? x)=3.Cau ).
cauB. y=cos’15° +cos’35° +sin?35° +sin215° =2 . Cau B).
caus. = tan10° tan 20° tan 30° tan 40° cot 40° cot 30° cot 20° cot 10°
= (tan 10° cothO)(tan 20° cot 200)(tan 30% cot 30° )(tan 40° cot 400)
=1. Cau A). ' '
Cau 10. y= (1+ tan’ o + 1+ tan? a)(l +tan? o —1—tan? a)
=2(1+tan? @)(0) =0. Cau A). |

4 . . ‘ ‘
cos « -+ SIII2 o — COS2 o 81112 o — (1 — COS2 OZ)COS2 (6]

Cau 11. y= =
. 4 . . .
‘, - sin*a4-cos’a—sin*a cos? a—(1—sin® a)sin’ o
sin? a(l —cos’ @) R
=— — :tan4a.CauD).
cos a(l-—sm'a)-
i
cos? Z—x . _ - ,
Cau 18. y=——"—2 (——x phu véi —+x)
.2 n 4 4
sm-{x+—|
. T
sin? x+Z
=———£%=1.Cau Q).
.2 s .
s’ x4+ —
4

v : . N . 2
Cau 13. (III) sai, vi (sin? o = cos? a) = cos’ 2cr suy ra :

lsin2 o —cos? oe, =lcos2al.
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. [sin® @ —cos® o =cos2c (loai)
Do do6 : X . Cau C).
~|cos” a—sin” = cos2q. :

Cau 14. Tacod : ”cosx'——sinx:\/f.cos(x+g—],
. vi cos(a+b) :‘cosa‘cosb~—sinasi"nb.‘Céu Q).

tan o -+ tan 3

i . Cau B).
1—tana~.tan[3 ‘

Cau 15. tan(a+G) = —l=a+f=

NG

-t t
Cau 16. oz+,3=—7£:>w=1
‘ 4 l-tano.tanf

& tana+tanf+tana.tan § =1
= l+tana+tanf+tana.tan f =2

& (1+tana)(1+ tan )= 2. Céu B).

L

sin30°

Cau 17. y =sinl5° + 0.005150
cos30 ' , :
. 0
= ! 5 (c0s30°sin15° +sin 30° cos15°) = sm450 =——@
cos30” . cos 30 3
Cau D). '

o . 1. '
Cau 18. y’:sma.cosa.cosZoz,cos4a:Esm2a‘.cos2a.cos4a

= %sin 4or.cosdo = %sin Sa . Cau B).

f [3—008 20° ——lsin 20° X 0
. V3 1 2 2 cos 50
Cau 19. y=—— 0 0:2 . 0 0 = . 0
sin20”  cos20 - sin 20" cos 20 sin 40
. 0 ‘
— 450 400 —4.Cau Q).
sin40” :
. 2 .2 . : .
Cau 20. y— smacos'a(cos o —sin a) _ ZSlngcosa *l‘ Cau A).
‘ ' : 2sin 2 cos2a ‘ 4sin2a 4
o LT . T om  2r ., 2w 27 1 . 4m 1.
Cau 21. 2ysm§: 251N —C0S—C0S— = §in—COS— :~2~51n—f-=~2—31

Suyra: y=1/4, CauA).
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Cau 22, y = sin10° sin 50° sin 70° = 2y cos10° = sin 20° sin 50° cos 20°

= -;—sin 40° . cos40°

= lsin 800 = —l—cosloo.
4 4 "

Suy ra y = 1/8. Ciu D). e

Cau 23. Ta c6 (sina +cosa)2' = —3—2 = sinra.cosa‘z = —i—% . Vay ‘sina,cosa .
12 nghiém ctia phuong trinh :

25 =35t +12=0« (t =3/5V1 = 4/5).

Vay tana—'——%v tanazg.CﬁuD).

Cau 4. A= (sin 75% + 005150).cos 750 = (sin 75° + sin 75° ) .COS 750
=25in75" cos 75° = 5in150° =sin30° = .;- Céu A).
cos15® = sin75°

' Cau®@5. B= g — = tan 75" = tan (45° +30°) = —3
cos 75 cos75 ' o

=2++/3.CauB).

Cau 26. cosl5® =1— 2sin?7°30"' = \/6—:\/2 & sin?7°30' = %<4~ J6 - \/_2—)

CauC). |
Cau 27. sin2a =" 2tan§v =\/E<:>\/Etén2a—8tahd+\/1—‘—:o
I+tan“a 4 : ,
’ té‘maz—\—/——l-s—>‘l (loai)
o 3

tana = — < 1.
5

- 2tan5 Nl ' La | o0
tana = — & 15tan? = +10tan = —/15 =9
1—tan2 & 5 2 2
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A LS I 1
Cau 28. +—t + =-2
cosx -sinx tanx cotx

sin x 4+ cos x n cos? x +sin’ x

— - +2=0 (v6i sin2x=0)
'sin X COS X sin x cos x ) .
&sinx+cosx+1+2sinxcosx =0

t =sinx-+cosx

t=sinx-+cosx
9 0 <~ l‘:f’“l
t =
£Ar= £=0
sinx+cosx=—1=sin2x=0 (loai
) ) (loai) Cau C).
lsinx+cosx =0=-sin2x=-1. ,
ol 1 1 ] ,‘
Cdu2g. ——+——+—+—— =6
cos“x - sin“x tan“x cot"x

sinx.cosx=0
. ( 2 . 2 )2
< 1sin® x +cos* x ={cos“x—sin“x) =0
sin? xcos? x
= c0s22x =0« cos2x=0.Cau A).

Cau 30. Do yéu cau phuong trinh c¢6 nghiém kép nén :
sinB—sinC=0& B=C
e Do a+b+c=0= phuong trinh ¢6 mot nghiém x =1 véi moi
tam giac ABC ma B = C.Cau A) dung.
® Do a+b+c=0 vaphuong trinh c6 nghiém kép, suy ra :

in4d-—sinB - ) . .
liwﬁhml}:smfl—%-smC,
sin B—sinC ,
Cau B) dung. ,

e Vi A_,B,C la cac gbc cua tam gidc nén sin4,sinC déu du’orr}g. o
Theo Bét dang thic Co-si cho sin 4, sinC ta"c'(') :

2sin B=sin A+sinC > 2+/sin AsinC = sin? B >sin AsinC..
Cau C) dung. o

Vay cau D) la cau tra lo1.
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sin 60°
cos75° .cos15%"

cau31. cotl5’ —tan15° =tan75° —tan15° =

=290 5 tan60° = 243 . Cau B).
sin 30 1 o
$in90°

c0s75°.cos15°

Cau 32. cot15° +tan15° = tan75° + tan15° =

_ 2sin90°
sin 300

| —2sin70° =  1—4sin70° .sin IIOO
ZSinIOO . 25111100

‘ ﬁ_1+2(003800—-cos600)_1~+2fsinlOO~—1
N 25in10° ~ 2sinl0°
=1.CauC). '

. c0s20°.cos80°  c0s20°.cos80%  cos20°.sin 100 1
Cau3q. — 55~ 0 100 0 0 5
sin30” —sini0 200320 .sin10 2c0s20” .sin10 2

Cau A).

—4.CauD).

Cau 33.

Cau 35. (cot 90 + tan 90)sm 18° = (tan8 1° + tan 90)sml80
B sin 900<2sm 9° cos 90) :

—2.CauC).
cos81°. cos90 : )
Cau 36. cotZOO + cotlo" + tan 20“ +tan10°
sin 30° sin 30°
= BRI 0 0
sin 20" sin10° ~c0s20 cosl0” -
_ sin30°cos10°
c0s20°.sin20°.cos10%sin10° ,
_ 1 _ 2 % Caub)

sin40°. s.inlO0 ¢0830° —cos50° \/— 2sin 40°

Eau37 sm2A—|—sm23+s1n2C 2sin(A+ B)cos(4 — B)—sm2(A+B)
= 2sin(4+ B)[cos(4— B)—cos(4+ B)]

=2sin(4+B)(— (2) (sin Asin (,_B)))
=4sin AsinBsinC. Cau C).

265



Cau 38. VAABC: A+B=7m—-C suyra:

wz—tanC:>tziﬁA—f—tanB—}-tanCztanAtanBtanC'
l—tan 4.tan B
Cau A).
- Cau 39. sin 4(cos B+cosC) =sin B+sinC. ‘(*)
() <> sin 4 = sin B+sinC
cosB+cosC , :
‘ _ | B+C
25in[B+CJcos[B CJ COS[ > ]iO
& sinAd= 2 : 2
2e0s{ P Jeo] 75 !
2cos coS cos = ()
v 2 2 .2
: COS— :
<:>2Sin£cos——= 2 @)sinzé:l [coséz()
2 . -2 2 2
sin—
2 .
@sin—ézfz—)O:A:Zr—. Cau B).
2 2 2 ,

Cau 20. Ciy B). Tiép tuc lap luan : cos.(75O +15°) —0 < c0s90° =0
dung, nhung van khéng tinh duoc gia tri cua cos 75°.

PAP AN CAU HOI TRAC NGHIEM CHUONG Vi

1 A 11 D 21 A | 31 | B
2 B 12 C 22 D 32 D
3 - C 13 C 23 D. | 33 C
4 | B 14 C 24 A 34 A
5 D 15 B 25 B 35 C
6 | A 16 B 26 C 36 | D
7 C 17 | D 27 c | 37 | cC
8 B 18 B 28 C 38 A
9, A 19 C 29 A 39 B
10 A | 20 A 30 D 40 | B
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Chiu trach nhiém xuat ban:
Cht tich Hoi d6ng Thanh vién kiém Téng Gidm d6c NGO TRAN AI

Phé Téng Gidm d6c kiém Téng bién tap VU VAN HUNG
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