DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.
Caul: Chohamsb y= f(x) lién tuc trén R va cé dd thi 1a dudng cong trong hinh dudi day. Cuc tiu

ctia ham s6 y = f(x) bang

A. 2. B. —1. C.2. D. 3.
Cau2: Chohamsd y= f(x) lién tuc trén doan [—1;3] ¢6 bang bién thién nhu sau

x -1 0 2 3

!

y + 0 - 0 +
5 4
y / \ /
0 1

Goi M,m theo thir ty 13 gia tri 1on nhat va gia tri nhé nhat ciia ham s6 y = f (x) trén doan

[—1;3]. Gia tri M.m bang

A. M.m=4. B. M.m=5. C. M.m=-3. D. M.m=0.
Cau 3: DO thi ham sb nao dudi ddy co dang nhu dudng cong trong hinh bén? Vi

A, y=x"-3x+1. B. y=x’-3x"+1.

C. y=—x+3x+1. D. y=—x"+3x" +1.

/ 1

Cau4: Chohamsb y= f(x) xéac dinh trén R\ {1} , lién tyc trén mdi khoang xac \/ ) \ x

dinh va c6 bang bién thién nhu hinh vé sau

x | - 1 o0

"\"' - -

Bang bién thién trén ciia ham sb nao trong cac ham s sau?
A.y:_x+2. B.y:x+2. C.y:x+2. D.y:x_3.
x—1 x—1 x+1 x—1
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Cau 5:

Cau 8:

Cau 10:

Cau 11:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cho hinh 1ap phuwong ABCD.A'B'C'D’ canh a . Khang dinh ndo sau day sai?

AI' D’
el
B’ C
A.|ﬁ|=a\/§. B.|B—D':a\/§.
C. AC+A4'C'=0. D. BA+BC+BB' =BD'.

Trong khong gian Oxyz, cho vecto MO =27 —3i +k . Toa do diém M 1a

A. M(2;—3;1). B. M(3;—2;—1) C. M(—3; 2;1) D. M(—2;3;—1)

S6 lugng khach hang nir mua hang thoi trang trong mot ngay ciia mot ctra hang duge théng ké
trong bang tan s6 ghép nhém nhu sau:

Khoang tudi [20;30) | [30;40) | [40;50) | [50,60) | [60;70)
S6 khach hang nir 3 9 6 4 2
Khoang bién thién ctia mau sb liéu ghép nhom trén 1a
A. 20 B. 50 C.6 D. 60

Khéo sat vé dd am khong khi trung binh cac thang nam 2022 tai Ba Ning (don vi: %), ngudi ta
duoc mot mau dir lidu ghép nhom nhu sau:

Do am [71,74) | [74,77) | [77;:80) | [80;83) | [83;86)
S6 thang 1 1 2 6 2
Phuong sai ctia miu sb liéu ghép nhom trén 1a
A. 134,25, B. 3,34. C. 80,25. D. 11,1875.

Cho ham s6 y = f(x) lién tyc trén R va c6 dao ham f”(x) :(x+1)(x—4)2(x—8)3 ,VxeR.
Khiang dinh nao sau day ding?

A F(6)<f(8).  B.f(8)>f(12).  C. f(-1)<f(4). D.f(=1)>1(8).

Mot chat diém chuyén dong vé6i van toc duge cho boi cong thitc v(¢)=—>+4t+2 véi t (gidy)
la khoé/ng t%l(‘yi gian tinh’u‘r khi chit diém bat ddu chuyén dong. Hoi tai thoi diém nao thi van toc
cua chat diém la 16n nhat?
A.t=2. B.t=0.

C.t=6. D.t=1.

A qa. A A iles o A < L R L A , 26t +10
S6 dan s6 ciia mdt thi tran sau ¢ ndm ke tir ndm 1970 dugc udce tinh bdi cong thirc [ (t) = s
t+

(f (t) dugc tinh bang nghin ngudi). Biét rang dao ham cta ham sé £(¢) biéu thi toc do gia ting
A A o . A s 1 3 e - B - S VLA A - A A 1x 2
dan so cua thi tran ( don vi la nghin ngudi/ ndm). Vao ndm nao thi toc do gia tang dan so la 5

nghin nguoi/ ndm?

A. 1990. B. 2020. C. 1995. D. 2024.
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Céau 12: Trong khong gian Oxyz, cho tam gidc ABC vuéng tai C véi diém A(1;2;0), B(2;-11) va diém

C c6 hoanh d¢ duong trén truc Ox . Dién tich tam giac ABC bang

A. /6. B. 24/6. C. \30. V30

D. —.
2

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

Cau 3:

cau, thi sinh chon dung hoac sai.
MGdi dot xuat khau gao cua tinh 4 kéo dai trong 60 ngay. Ngudi ta thdy luong gao xut khau
theo ngay tha ¢ dugc x&c dinh boi cong thuc: s(l) =1 +271* +262144 (tin) voi

1<t<60;teN".

a) SO luong gao xuét khau cua tinh 4 ngay thir 12 1a 264304 (tan).
b) Ngay thir 30 cua tinh A c6 luong gao xuat khau cao nhét.

¢) Ngay thir 1 ctiatinh 4 c6 lugng gao xuit khiu thap nhat.

d) Ngay thr 60 cia tinh 4 co san lugng xuat khau gao thip nhat 13 143344
Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a (tham khdo hinh vé)

L D C
a) AC=AB+AD .
b)TC':E+E+TA’. 4 |
. | B
) (AC,BC)=45. |
2 [
d) AC.B'C':‘E" . pA— — —|— —Ac
2 /
Ve
A B’

Ban Trang thong ké chiéu cao (don vi: cm) ciia cac ban hoc sinh nir 16p 12C va 16p 12D ¢ bang

sau.
Ch(ié“)ca" [155:160) | [160:165) | [165:170) | [170;175) | [175:180)| [180;185)
cm
S6 hoc sinh
nit 1p 12C 2 ’ N ’ : :
S6 hoc sinh
nit 16p 12D > ’ i ’ ? |

a) Gia tri dai dién cua nhom [165;170) 1a 167,5.

b) Khoang bién thién ctia mau sb liéu ghép nhém cua 16p 12D 1a 30.

¢) Néu so sanh theo khoang tir phan vi ctia mau s liéu ghép nhém thi hoc sinh nit 16p 12C ¢6
chiéu cao trung binh ddng déu hon hoc sinh nit 16p 12D.

d) Néu so sanh theo d 1éch chuan ctia mu s6 liéu ghép nhom thi hoc sinh nit 16p 12D ¢6 chiéu
cao trung binh dong déu hon.
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Hinh minh hoa so dd0 mot ngoi nha

(X2:5:4)
trong khong gian Oxyz voi do dai don

vi trén cac truc toa do bang 1m, trong

5:3)

)

d6 nén nha, bon birc tuong va hai mai L Y A—. G4
nha déu 13 hinh chit nhat '

a) Toa do diém H(0;5;3).

b) Dién tich nén nha 13 12(m?). E0:0:3) f
e e e i i b i i B(4 -

Lh

¢) Hinh chiéu vuéng goc K cua di€ém
QO xudng nén nha cé toa do

K (2;5;0).

~y

d) Thé tich phan khong gian ciia ngoi O0:0:0) A

nha bang 60(m’ ).

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 3:

Cau 4:

Mot chiéc xe dang kéo cing soi diy cap AB trong cong
truong xay dung, trén d6 da thiét 1ap hé toa 6 nhu hinh bén,
v6i d6 dai don vi trén cac truc toa do b?mg Im. Toa d0 cua
vecto AB =(a,b,c). Khi d6 a+b+c=? (két qua lam tron

dén hang phan chuc)

Thoi gian hoan thanh bai kiém tra mon Toan cua cac ban trong 16p 12A duoc cho trong bang
sau:

Thoi gian (phit) [25;30) [30;35) [35;40) [40;45)
S6 hoc sinh 9 17 8 6

Tim khoang t&r phan vi cia mau s lidu ghép nhom trén (két qud lam tron dén hang phan

chuc).

Loi nhuan mt xudng thu dugc tr viéc san xuit mot mat hang dugc cho bdi cong thic
P(x)=-x"+24x> +780x-1000 (nghin dong) trong d6 x (ta) la khoi lugng san pham san xuat

dugc. Xuong chi san xuét tbi da 40 ta san phém trong mot tuan. Hoi dé co loi nhuén 16n nhét thi
xudng can san xuit bao nhiéu ta san pham trong mot tuan?

Mot hon dao nam trong mot hd nude. Biét ring duong cong taonén  4¥
hon ddo dugc mo hinh hda vao h¢ truc toa d§ Oxy 1a mot phén cua ~

dd thi ham s6 bac ba f'(x). -

_ | Mat dwong
A\

\ Vo =36 92
f

Vi tri diém cyc dai 1a (2;5) véi don vi ctia hé truc 1a 100m va vi SRRERARE
tri diém cuc tiéu la (0; 1) . Mat duong chay trén mot dudong thfmg 7

c¢6 phuong trinh y =36—9x . Ngudi ta mudn lam mot cay cau c6 1| =

dang mot doan thang ndi tir hon dao ra mat dudng. Do dai ngan
nhat cta cay cau bang bao nhiéu mét? (két qud lam tron dén hang phan chuc)
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Mot nguoi dan 6ng muén chéo thuyén Gvitrd A t6i diém B vé phia ha luu bo ddi dién, cang
nhanh cang tét, trén mot bo song thang rong 3 km (nhu hinh v&). Anh c6 thé chéo thuyén cta
minh truc tiép qua séng dé dén C va sau d6 chay dén B, hay c6 thé chéo truc tiép dén B, hoic
anh ta co thé chéo thuyén dén mot diém D giita C va B 10i sau d6 chay dén B. Biét anh y c6
thé chéo thuyén véi van tbc Skm/h, chay 10km/h va quing dudng BC =8 km . Biét toc do
ctia dong nudce 1a khong dang ké so véi toe do chéo thuyén ctia ngudi dan 6ng. Goi ¢ 1a thoi gian
ngan nhat dé nguoi dan 6ng dén B. Tinh ¢ (dom vi phiit, két qua lam tron dén hang don vi).

Mot chiéc 6 t6 dugc dit trén mat day duoi cua mot khung sét co dang hinh hop chir nhat véoi day
trén 1a hinh vuong ABCD , mat phéng (ABCD) song song voi mat phéng nam ngang. Khung sét
d6 duoc treo vao méc E cua chiée can cau sao cho cac doan day cap EA, EB,EC,ED c6 do dai
béng nhau va cung tao voi mat phéng (ABCD) mdt goc béng 60° nhu hinh v&. Chiéc can ciu
kéo khung sét 1én theo phuong thiang dimg va cac luc cing E,E,E,E déu co cudng do6 bing
nhau. Biét ring néu giam d¢ dai cac doan day cap EA, EB, EC,ED sao cho goc hop bdi cac day
cap d6 va mit phang (ABCD) déu giam 15° thi lyc cing mdi soi cap déu ting thém 725N . Tinh
trong luong cua chiée xe 6 to biét trong lugng ctia khung sat 1a 1550 N (két qua lam tron dén

hang don vi).
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

HUONG DAN GIAI CHI TIET
PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon m¢t phuong an.
Caul: Chohamsd y= f(x) lién tuc trén R va c6 dd thi 1a dudong cong trong hinh duéi day. Cuc tiéu
ctia ham sb y = f(x) bang

A. -2. B. 1. C.2. D. 3.
Loi giai
CAu2: Cho ham sb y= f(x) lién tuc trén doan [—1;3] c6 bang bién thién nhu sau

x | -1 0 2 3
y + 0 - 0 +

N

Goi M,m theo thu ty 1a gia tri lon nhét va gia tri nhd nhét cia ham sb yv=Ff (x) trén doan

[-1;3]. Gia tri M.m bang

A. M.m=4. B. M.m=5. C. M.m=-3. D. M.m=0.
Loi giai

Chon D

Dua vao bang bién thién ta ¢ max f(x)=5va min f(x)=0

Vay M.m=0
Ciu 3: Do thi ham s nao dudi ddy c6 dang nhu dudng cong trong hinh bén?

Y

/1
VAT
)

A. y=x"-3x+1. B. y=x"-3x"+1. =—x*+3x+1. D.y=—x"+3x>+1.
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Ciu 6:

Cau 7:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cho ham s y = f(x) xéc dinh trén R\ {1}, lién tuc trén mdi khodng x4c dinh va c6 bang bién
thién nhu hinh vé sau

X | —= 1 +0

¥ - -

1 +90
.‘.
\ e \ 1

Bang bién thién trén cia ham so nao trong cac ham so sau?

A.y=_x+2. E.y=x+2‘ C.y:x+2 D.y=x_3

x—1 x—1 x+1" x—1

Loi giai
Chon B
Duya vao bang bién thién ta c6 d6 thi ham s6 c6 duong ti¢m can dimg 1a x =1 va dudng tiém can
ngang la y =1. Suy ra loai A, C.

Xétcau B, y' = ><0,Vx=1.
x—1
XétcauD, y' = =>0,vx=1.
x—1
Cho hinh lap phuong ABCD.A'B'C'D' canh a . Khang dinh nao sau day sai?
AI' D’
B’ : c’
g
B c
A. |§5|:ax/§. B. |ﬁ:a\/§.
C. AC+A4'C'=0. D. BA+BC+BB' =BD' .
Loi gidi
Chon C

Taco AC+A'C'=AC+ AC =24C.

Trong khong gian Oxyz , cho vecto MO =2 —3i +k . Toa d6 diém M 1a

A. M (2;-3:1). B. M (3;-2;-1) C. M (-3;2;1) D. M(-2;3;-1)
Loi gidi

Chon B

MO=2j-3i +k & OM =3i =2j —k = M (3;-2;-1).

S6 luong khach hang nit mua hang thoi trang trong mot ngdy ciia mot cira hang dugc thong ké
trong bang tan sd ghép nhom nhu sau:
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Cau 9:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Khoang tudi D;30) ;40) D;50) ;60) D;70)
khéch hang ni 3 9 6 4 2
Khoang bién thién ctia mau sb liéu ghép nhém trén 1a
A. 20 B. 50 C.6 D. 60

Loi giai
a, =20 1a gi4 tri ddu mut trai cia nhém dau tién.
a,., =70 la gia tri ddu mit phai cia nhom cudi cing.
Suy ra khoang bién thién R=a,,, —a, =50.

Khéo sat vé do am khong khi trung binh cac thang nam 2022 tai Pa Ning (don vi: %), ngudi ta
duogc mot mau dir lidu ghép nhom nhu sau:

Do am [71,74) | [74,77) | [77:80) | [80;83) | [83;86)
S6 thang 1 1 2 6 2
Phuong sai ctia miu sb liéu ghép nhom trén 1a
A. 134,25 B. 3,34. C. 80,25. D. 11,1875.
Loi giai

Xét mau s6 liéu ghép nhom:

Nhom [71;74) | [74:77) | [77:80) | [80;83) | [83;86)

Gi4 tri dai dién 72,5 75,5 78,5 81,5 84,5

Tan s6 1 1 2 6 2

38 trung binh 14 ¥ = 72,5x1+75,5x1+78,152><2+81,5x6+84,5x2 80,25

Phuong sai ctia miu s6 liéu 1a:

72,5 x1+75,5" x1+ 78,5 x2+81,5* x6+ 84,5 x2
- 12

Cho ham s6 y = f(x) lién tuc trén R va c6 dao ham f'(x)=(x+1)(x—4) (x~8)",VxeR.

S? —80,25% =11,1875

Khing dinh nao sau day ding?

A F(6)<f(8).  B.f(8)>f(12).  C. f(-1)<f(4). D. £(-1)>1(8).

Loi giai
Béng bién thién:
x —0 -1 4 8 +a0
V' T 0 - 0 - 0 +

7(-1) i 7 (1)
y T4 /
Jif;;f(-x)/ ( )xf (8)
Suy ra: Ham s0 y = f(x) nghich bién trén khoang (-1;8).
Vay: f(—l) > f(8)
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Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Mot chat diém chuyén dong vé6i van toc duge cho béi cong thitc v(¢)=—>+4t+2 véi t (gidy)

1a khoang thoi gian tinh tir khi chat diém bat dau chuyén dong. Hoi tai thoi diém nao thi van tbc
ctia chit diém 1a 16n nhét?

A t=2. B.1=0. C.1=6. D.t=1.

Loi giai
Taco: v(t)=—t"+4t+2 voi t>0.
V(1) =-2t+4
V(t)=0< —2t+4=0< ¢ =2 (thoa mén).
Bang bién thién

{ 0 2 +00
v'(t) + 0 —
§)

v(t) ?//'

Dua vao bang bién thién, tai thoi diém 7 =2 giay thi van tdc ctia chat diém 1a 16n nhat.

—

26¢t+10
t+5

S6 dan s ctia mot thi trin sau ¢ nam ké tir nam 1970 duoc wéc tinh boi cong thue f ()=
(f (t) dugc tinh bang nghin ngudi). Biét rang dao ham cta ham s6 f(¢) biéu thi tdc do gia ting
A A 5 . A 1N 1 N - \ - B VLA A . - A A 11 2
dan so cua thi tran ( don vi 1a nghin ngudi/ ndm). Vao nam nao thi toc do gia tang dan so 1a I

nghin ngudi/ ndm?

A. 1990. B. 2020. C. 1995. D. 2024 .
Loi gii

Ta co f'(t)zi t>0,

(t+5)2 ’

Lai co f‘(t):£<:> 120 - =£<:>(t+5)2 =900 <t =25do t>0).
15 (1+5) 15

Vay du bao vao nam 1995 thi toc d6 gia ting dan sd 1a % nghin ngudi/ nam.
Trong khong gian Oxyz , cho tam gidc ABC vudng tai C v6i diém A(l; 2; O),B (2; —1;1) va diém
C c6 hoanh d¢ duong trén truc Ox . Dién tich tam giac ABC bang
A 6. B. 24/6. C. \30. D.@.
Loi giai

Chon A
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Goi C(x;0;0),x>0.

A—C::(x—l;—2;0),B—>C:(x—2;1;—1).

x=0
x=3 (IM)

AABC vudng tai C nén ZZ.EEzO@(x—l)(x—2)—2:O = —3x=0<:>[
Suy ra C(3;0;0).

AC=(2-2;0)= AC=2V2.

BC=(L;1;-1)= BC=43.

VAy S, e = %AC.BC -6

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon dung hoac sai.
Moi dot xuat khau gao cua tinh 4 kéo dai trong 60 ngay. Nguoi ta thay lwong gao xuat khau
theo ngay thtt ¢ dugc xac dinh bdi cong thuc: s(t) = +27* +262144 (tan) voi
1<1<60;1eN".
a) SO luong gao xuét khau cua tinh 4 ngay thir 12 1a 264304 (tan).
b) Ngay thir 30 cua tinh 4 c6 lwong gao xudt khau cao nhat.
¢) Ngay thir 1 cia tinh 4 c6 lugng gao xuat khau thap nhat.
d) Ngay thr 60 cia tinh 4 co san lugng xuat khau gao thip nhat 13 143344
Loi giai
| a)ybing | b)Sai | ¢Sai | d)Ding

a) Pung. s(12)=264304.

b) Sai. Ta ¢ s'(¢)=-31* +54t;5'(t) =0 = =3 +54t = 0 & {t

t=18
Bang bién thién:
T 1 18 60
s'(t) + 0 -
265060
(0 N

262170 143344
|

Vay ngay thir 18 cta tinh 4 ¢6 lugng gao xuat khau cao nhét 14265060 .

¢) Sai. Ta c6 ngay thir 60 tinh 4 c6 lugng gao xuat khau thip nhat 1a 143344 .

d) Bung. Ta c6 ngay thir 60 tinh 4 c6 lwong gao xuit khau thap nhét 1a 143344,
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Cau 2:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh bang a (tham khdo hinh vé)

D c
I
A i %
I
I
pAMm — |~ —ScC
/s
7
A’ B’
a) AC=AB+AD.
b) AC'=AD+ AB+ A4’ .
) (E‘,B’—C’) =45
2
d) ACB'C = V2a .
2
Loi giai
| a) Pung | b) bing ‘ ¢) Dung ‘ d) Sai ‘

a) Vi ABCD 1a hinh binh hanh nén 4B+ AD = AC .

b) Vi ABCD.A'B'C'D' 1a hinh hop nén AD+ AB+ AA' = AC' .

¢) Vi B'C' = AD nén (E,BT"):(E,A—D) —CAD = 45"

d) Tam gidc ADC vuoéng tai D nén AC =+ AD* +DC’ = NGYS
Tacoé AC.B'C' = |A_é| B—'C?~'|.c0s(25,8—'(7~') = 2a.a.cos45 =a’.

Ban Trang thong ké chiéu cao (don vi: cm) clia cac ban hoc sinh nir 16p 12C va 16p 12D ¢ bang

sau:
Ch(ié“)ca" [155;160) | [160;165) | [165;170) | [170;175) | [175;180)| [180;185)
cm
S6 hoc sinh
nit 16p 12C ’ ’ - ’ : 1
S6 hoc sinh
i 16p 12D > ’ ° ’ ’ ’

a) Gia tri dai dién cua nhom [165;170) 1a 167,5.

b) Khoang bién thién ctia mau sb liéu ghép nhém cua 16p 12D 1a 30.

¢) Néu so sanh theo khoang ttr phan vi ctia mau sd liéu ghép nhom thi hoc sinh nit 16p 12C ¢

chiéu cao trung binh ddng déu hon hoc sinh nit 16p 12D.

d) Néu so sanh theo do 1éch chuén ctua mau sb liéu ghép nhom thi hoc sinh nir 16p 12D cé chiéu

cao trung binh dong déu hon.

Swu tam va bién soan

Page 11
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Loi giai
| a)Ding | b)Sai | obing | d)Sai |

a) Gia tri dai dién ctia nhom [165;170) la @ =167,5.

b) Khoang bién thién ctia miu sé liéu ghép nhom cia 16p 12D 1a 180 —155 =25.
¢) @ Xét mau sd liu cua 16p 12C:
Comau n. =2+7+12+3+1+1=26.

Goi x,;...;x5 12 mau sd liéu gbe vé chiu cao ciia cac ban hoc sinh nir 16p 12C dugc xép theo thir tu
khong giam.

Ta co

X3 x, €[155;160),

Xy3.5%, €[1603165),

X053, €[165;170),

Xy 3 Xy 3%, €[1705175),

X,s € [175;180),

Xog e[180;185).

T phan vi thir nhét ctia mau sb liéu géc la x, e [160;165) . Do d6, tir phan vi thu nhét ctia mau sb

25

lidu ghép nhém la: O, =160+ 47 (165-160) ~163,214.

Tt phan vi thit ba ciia mu s liéu goc 14 x,, €[165;170). Do do, tir phan vi thir ba cia mau s6 liéu
326 (2+7)
ghép nhom la: Q, =165 +4T(170 ~165)=169,375

Khoang tir phan vi cia mau s6 liéu ghép nhom la: A-=0,-0 ~169,375-163,214~6,161.
e Xét mau s6 liéu cua 16p 12D:
Comau n, =5+9+8+2+2+0=26.

Got x;;...;x,1a mau sb liéu goc veé chiéu cao cua cac ban hoc sinh nit 16p 12D duogc xEp theo thu tu
khong giam.
Taco

X, 5.3 %5 €[155;160),

Xg3.3 %, €[160;165),

Page 12

Swu tam va bién soan



DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Xj53.3%y, €[1653170),
Xy33%,, €[170;175),
X537, €[175;180).
Tt phan vi thtr nhat cua mau s liéu gbc 1a x, €[160;165). Do do, tir phan vi thir nhét ctia mau so

205

liéu ghép nhom 1a: O] =160+ 49 (165-160) ~160,833.

T phan vi thtr ba cua mau s6 liéu géc la x,, € [165;170). Do do, tr phan vi thir ba cua mau sd liéu
3.26 (5 N 9)
ghép nhom la: Q; =165 +4T(170 —165) =168,4375

Khoang tr phan vi cia mau s6 liéu ghép nhom la: A, =0;—0 ~168,4375-160,833 ~ 7,6045 .
Vi A. <A, nén néu so sanh theo khoang tt phan vi ciia mau sd liéu ghép nhém thi hoc sinh nit 16p 12C
¢6 chiéu cao trung binh déng déu hon hoc sinh nit 16p 12D.

d) Ta c6 bang gia tri dai dién cua nhém:

Ch(ifl‘;)ca" [155;160) | [160;165) | [165170) | [170;175) | [175;180) | [180;185)

Gidtridai |75 162,5 167,5 172,5 177,5 182,5
dién

et R IR A I N

IR R .

e Xét mau s6 liéu cta 16p 12C:
S trung binh clia mau s lidu ghép nhom la:

= 2.157,5+7.162,5+12.167,5+3.172,5+1.177,5+1.182,5 2170
c= = .
26 13

Phuong sai ciia mau so ]i€u ghép nhom la:

2
2= 2%[2.(157,5)2 +7.(162,5)" +12.(167,5)" +3.(172,5)’ +1.(177,5)’ +l.(182,5)2}—(%20j ~ 29,475

Do léch chudn cta mau sb ligu ghép nhom 1a: S =[S = /29,475 ~ 5,429 .

e Xét méu s6 liéu cua 16p 12D:
S trung binh ctia mau sb liéu ghép nhém la:

— 5.157,5+9.162,5+8.167,5+2.172,5+2.177,5+0.182,5
Xp = =165.

26
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Phuong sai ctia mau s0 1iéu ghép nhom la:

s? =%[5.(157,5)2 +9.(162,5)" +8.(167,5) +2.(172,5) +2.(177,5)’ +0.(182,5)" | ~(165) =31,25

D6 léch chuan cta mau sd liéu ghép nhom la: §, = w/Sé =4/31,25=5,59.

Vi §.<S, nén néu so sanh theo d6 1éch chuén ctia maiu sb liéu ghép nhom thi hoc sinh nit 16p 12C
¢6 chiéu cao trung binh dong déu hon.
Ciu 4: Hinh minh hoa so d6 mot ngdi nha trong khong gian Oxyz véi @ dai don vi trén cac truc toa do

bang 1m, trong 6 nén nha, bon birc tudng va hai mai nha déu 1a hinh chir nhat

“h
-

f'f --------------------- Gid;

EO:0:3) - e
. Bi4:5-

o
e

-y

00:0:0) A
a) Toa do diém H(0;5;3).
b) Dién tich nén nha la 12(m”).
¢) Hinh chiéu vudng goc K ciia diém O xudng nén nha c6 toa do K (2;5;0).
d) Thé tich phan khong gian ctia ngdi nha bang 60(m3).

Loi gidi
| a) bung | b) Sai ‘ ¢) Pung ‘ d) Sai ‘

a) bung

Duya vao hinh v&, H € (Oyz),x,; =0;y, = yo =y, =5z, =z, =3.
Do d6, toa d diém H (0;5;3)..

b) Sai

Dién tich nén nha chinh 1a dién tich hinh chit nhat OABC

S, 5 = 0A.0C = 4.5=20(m>).

c) bung
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Vi K 14 hinh chiéu vudng goc diém Q xubng nén nha nén
K €(Oxy),x, =x, =2y, =y, =52, =0.Do do, toa do K (2;5;0).
d) Sai

Theo hinh v&, ngdi nha gdm hai phan,mét phan 14 ling tru dimg c6 day 1a tam giac can canh
day bang 4m, chiéu cao day 1m, chiéu cao lang tru bang 5m; phan con lai 1a hinh hop chit nhat
¢6 kich thude day 1a 4m va 5m, chiéu cao 3m.

Thé tich khi lang tru: ¥V, ., = %.4.1.5 =10(m’).

Thé tich khéi hop chit nhat: ¥, cpey =4.5.3=60(m*).

Véy thé tich ca ngdi nha 1a 10+ 60 =70(m’).

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Mot chiée xe dang kéo cing soi diy cap AB trong cong trudng xdy dung, trén d6 da thiét 1ap hé
toa d0 nhu hinh bén, véi do dai don vi trén cac truc toa do bang Im. Toa dd cua
vecto AB = (a,b,c).Khido a+b+c="? ( két qua lam tron dén hang phan chuc)

2 W Fa
RO o T T

Tra loi: 10,5
Chon truc toa do nhu hinh
Ta c6 toa do diém 4(0;0;10) Xét tam gidc OKB vudng tai K

Ta cé sinB:K—O:>KO:sinB.OB:sin30.15:1—5
OB 2

1543

cosB =E:> KB =cos B.OB =c0s30.15=——
OB 2

Vay toa d6 diém B 1—5 ﬂ ;0 — AB = 1—5 ﬁ ;—10
27 2 2’
Vay a+b+c=10,5

Thoi gian hoan thanh bai kiém tra mén Toan cta cac ban trong 16p 12A duoc cho trong bang
sau:
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Thoi gian (pht) [25;30) [30;35) [35;40) [40;45)
S6 hoc sinh 9 17 8 6

Tim khoang t&r phan vi cia mau s lidu ghép nhom trén (két qud lam tron dén hang phan
chuc).

Loi giai
Tra loi: 7,2
Codmaiula n=9+17+8+6=40.Goi x,, X,, ..., x,, 12 thdi gian hoan thanh bai kiém tra mon
Toan ctia 40 hoc sinh va gia st rang day s6 lidu gbc nay da duoc sip xép theo thir ty ting dan.
A . ’ A 5 X A 1A A B 1 A r ’ ’ A . 7 A \
Tt phéan vi thir nhat ciia mau so liéu goc la E(x10 +x;,) nén nhom chira tir phén vi thir nhat 1a
nhom [30;35) va ta co:

g;=30+10_9

5=30,3

7 A . ’ 5 X A 1A A \ 1 A r ) , A . , \ r
T phan vi thit ba cia mau so liéu goc la E(x” +x;,) nén nhom chira ttr phén vi thir ba 1a nhom
[35;40) va ta co:

0, =35+30—26

5=37,5

Vay khoang tir phan vi cia mau s6 liéu ghép nhom la Ay=0,-0=T72.
Loi nhuan mot xuong thu duge tir viéc san xuidt mdt mat hang dugc cho boi cong thirc
P(x) = —x’ +24x” +780x 1000 (nghin dong) trong d6 x (ta) 1a khdi lwong san pham san xuét

duogc. Xuodng chi san xuat to1 da 40 ta san pham trong mot tuan. Hoi dé co6 loi nhuan 16n nhat thi
xuong can san xuat bao nhiu ta san pham trong mdt tuan?

Loi giai
Tra loi: 26
) s x=-10
Ta co P'(x)=—3x +48x+780;P'(x)=0<:> .
x=26
Bang bién thién
X 0 26 40
P'(x) + 0 -
P(Y) /'”'928 \
-1000 4600

Vay dé 11 nhuén 16n nhéat thi xuong can san xuét 26 ta san phém trong mot tuan.
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Cau 5:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Mot hon ddo nam trong mot ho nude. Biét rang duong cong tao nén hon ddo dugc mo hinh hoa

vao hé truc toa d§ Oxy 1a mot ph:‘?m ctia d6 thi ham sd bac ba f (x) .

| Mat dwéng

y =36 — O

' Héndao |

0 | T

Vi tri diém cyc dai 1a (2;5) véi don vi ctia hé truc 1a 100m va vi tri diém cyc tiéu 1a (0;1).
Mit dudng chay trén mot duong thang ¢ phuong trinh y =36 —9x . Ngudi ta mudn 1am mot
cay cau c6 dang mot doan thang ndi tir hon dao ra mit duong. Do dai ngan nhat cta cay cu
bang bao nhiéu mét? (két qud lam tron dén hang phan chuc)

Loi giai
Tra loi: 88,3.
Goi ham s bac ba y =f(x) =ax’ +bx’ +cx+d = f’(x) =3ax’ +2bx+c.
Vi d6 thi ham s di qua hai diém (0;1)=d =1.

Vi d6 thi ham s6 di qua hai diém 4(2;5)=>8a+4b+2c+1=5.

f’(0)=03{c:0

Vi ham s6 ¢6 hai diém cuc trj x=0;x=2= .
f'(2)=0  [12a+4b=0

:>f(x)=—x3+3x2+1 va f'(x)=—3x2+6x.

a
Suy ra {

Goi M (xo; Yo ) , X, >0, 1a diém nim trén hon dao va ndi véi mat duong va d la tiép tuyén cua
d6 thi ham sb song song v6i mit duong. Suy ra M 1a tiép diém cua d véi y=f (x) :
Puong thang y =36—-9x ¢ hé sb goc k =-9

x,=3

= f'(x)=-9< -3x +6x, =9 < 1:M(3;1).

X, =—
Do dai cdy cAu ngan nhat bang khoang cach tir diém M dén duong thang 9x+y—36=0.

. 9.3+1-36|

Vi don vi ctia hé truc 1a 100m nén d6 dai ngan nhit cua ciy cau l1a 88,3m .

~0,883.

Mot ngudi dan ong mudn chéo thuyén ¢ vi tri 4 t6i diém B vé phia ha luu bd dbi dién, cang
nhanh cang tbt, trén mot bo séng thang rong 3 km (nhu hinh v&). Anh c6 thé chéo thuyén ctia
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minh tryc tiép qua song dé dén C va sau d6 chay dén B, hay c6 thé chéo truc tiép dén B, hoic
anh ta co thé chéo thuyén dén mot diém D giita C va B 10i sau d6 chay dén B. Biét anh 4y c6
thé chéo thuyén voi van toc Skm/h, chay 10km/h va quing duong BC = 8 km . Biét toc do
ctia dong nue 1a khong dang ké so véi tde do chéo thuyén ctia nguoi dan 6ng. Goi ¢ 1a thoi gian
ngan nhat dé nguoi dan ong dén B. Tinh ¢ (don vi phit, két qud lam tron dén hang don vi).

Tra loi: 79

O TH 1: Anh chéo thuyén ctia minh truc tiép qua séng dé dén C va sau d6 chay dén B

. ; 3 :
Thoi gian chéo thuyén trén quang duong AC': 3 =0,6 (gio)

. 8 :
Thoi gian chay trén quang duong CB': m =0,8 (gio)
Téng thoi gian di chuyén tir 4 dén B 1a 1,4 (gio) = 84 phut

O TH 2: chéo tryc tiép trén quang duong AB =~/3> +8* =73

mat

3 (2id) = 103 (phut)

O TH 3:

Goi x (km) la d6 dai quang duong DC = 8 —x (km) la d6 dai quang duong BD .

VX2 +9

Thoi gian chéo thuyén trén quing dudng AD =x”> +9 la: — (gio)
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8—x

Thoi gian chay trén quang duong DB la: (gi0)

2
] ; A +9 8-
Téng thoi gian di chuyén tir 4 dén B 1a f(x) =" — 1ox

Jx2+9 8—x
= +
5 10

Xét ham s f(x) trén khoang (0; 8)

Taco f'(x):+—i;f'(x):0<:>\/x2+9=2x<:>x=\/§
5Vx*+9 10

Duya vao BBT ta thiy thoi gian ngan nhat dé di chuyén tir 4 dén B 1a # (gio) =79
(phut)

Vay khoang thoi gian ngin nhat dé ngudi dan ong dén B 1a 79 phit.

Mot chiéce 6 td dugce dat trén mat ddy dudi cia mot khung sat c6 dang hinh hdp chir nhat voi day
trén 13 hinh vuéng ABCD , mit phang (ABCD) song song v6i mat phang nam ngang. Khung sat
d6 duoc treo vao moc E cua chiée cn ciu sao cho cac doan day cap EA, EB,EC,ED c6 d¢ dai
bang nhau va clng tao véi mit phang (ABCD) mét géc bang 60° nhu hinh v&. Chiée can cau
kéo khung sit 1én theo phuong thing dtng va cac lyc cing 171, 172,1?3,]?4 déu co cuong do bang
nhau. Biét rang néu giam do dai cac doan day cap EA, EB, EC,ED sao cho goc hop boi cac day
cap d6 va mit phang (4BCD) déu gidm 15° thi luc cang mdi soi cdp déu ting thém 725N . Tinh
trong lugng ctia chiéc xe 6 to biét trong lwong ciia khung sit 1a 1550N (két qud lam tron dén

hang don vi).

Tra loi: 9625
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Goi O 1a giao diém ciia AC va BD.
Ta c6 trong luong treo 6 t6 va khung sit: P = ‘13‘ = ‘ﬂ +EB+EC+ED|= 4‘?0‘ =4E0.

Trudng hgp: EA,EB,EC,ED c6 d6 dai bing nhau va cuing tao véi mit phang (4ABCD) mot

gdc bang 60° suy ra AEAC 1a tam giac déu = EO = %\6 .

EA.\/§:>EA P

2 ENER

Trwong hop: gidm d6 dai cac doan day cap EA, EB, EC,ED sao cho géc hop bdi cac day cap

Suyra P=4.

d6 va mit phang (ABCD) déu giam 15° suy ra AEAC 1a tam giac vudng can tai E .

:EO:%\E.

Suyra P=4.

EAN2 P
2

Ta lai c6 giam d¢ dai cac doan day cap EA, EB,EC,ED sao cho goc hop bdi cac diy cap do va
mit phang (ABCD) déu giam 15° thi luc cing mdi soi c4p déu ting thém 725 N.

Suy ra L—L=725<:>P=ﬂz11174,77.
22 243 N
V3

Vay 11174,77-1550 = 9625
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PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 02

PHAN I. Céu tric nghi¢ém nhiéu phwong an lya chon. Thi sinh tra 10i tir cAu 1 dén cau 12. Mbi cau hoi
thi sinh chi chon mgt phuwong an.
Caul: Chohamsd y=f(x) c6 dd thi nhu hinh v&
JA
3d_ _ _ __

|
|
|
|
|
|
|
- | -
-1 Y/ 12 3 T
—1

Diém cuc tiéu cua ham s di cho 1a
A, x=-1. B. x=2. C. x=3. D. x=0.
Céu2: Chohamsd y= f(x) c6 bang bién thién nhu sau

x |~ —2 -1 0 +oo
_2 +oo +oo
o S oo 2

Ham s6 di cho dong bién trén khoang
A. (-0;0). B. (—0;-2). C. (-10). D. (—1;+x).

, 5 5
Ciu3: Chohamso y=f ( x) xac dinh, lién tuc trén [—1,5} va c¢6 do thi nhu hinh vé.

. s 17 A \ .7 . 5 A 5 \ A A 5 \
Gia tri 16n nhat M va gia tri nho nhat s cuiaham so f (x) trén [—1,5} la

A.M=4m=1. B. M=4,m=-1. C.M:%,mz—l. D.M:%,mzl.
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Cau 4:

Caiu 6:

Cau 7:

Cau 8:

Cau 10:

Chohamsd y = f(x) ¢6 lim f(x)=2valim f(x)

dang?

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

X—>+0

x—>—00

—2 . Khang dinh nao sau dy la khang dinh

A. D6 thi ham s6 da cho c6 hai tiém cin ngang 14 cac duong thing x =2 va x=-2.
B. Db thi ham s6 da cho khong c6 tiém cén ngang.
C. Pd thi ham sb d3 cho ¢ ding mdt tiém can ngang.

D. D6 thi ham s6 da cho ¢6 hai tiém cin ngang 1a cac dudng thing y=2vay=-2.

Ham s6 nao trong cac ham so6 sau c6 do thi nhu hinh vé bén dudi

A, y=
x+1

_x2+x+2

_x2+2x

x+1

_x+2
x+1"

D. y=x"-3x+2.

Cho hinh chép S.ABCD ¢6 day 1 hinh binh hanh tdim O. Tinh téng S4 + SB + SC + SD?
0 D. 250.

A. 4S0.
Cho |;z| =2;
A.ab=12.

B. SO.

B. abh=40.

doan thang MM’ ngin nhat.

C.

C.ab=-6.

l;| =06, goc gilra hai vecto avab bang 120°. Khang dinh nao dudi day dung?

D. ab=63.
Trong khong gian toa dd Oxyz cho diém M (l; —J2;\3 ) Tim diém M' e Ox sao cho d¢ dai

A. M'(~1;0;0). B. M'(1;0;0). C. M'(1;0:43). D. M'(1;~2;0).
Sb do can nang cua mot sb hoc sinh 16p 12D duge cho trong bang sau:
Can nang(kg) | [40.5:45.5) | [45.5:50.5) | [50.5:55.5) | [55.5:60.5) | [60.5:65.5) | [65.5;70.5)
S6 hoc sinh 10 7 16 4 2 3
Khoéng bién thién cia miu sb liéu ghép nhom trén 1a
A.S. B. 30. C. 16. D. 10.
Ban Trang thong ké chiéu cao (don vi: cm) cuia cac ban hoc sinh nir 16p 12C ¢ bang sau:
Chiéu cao (cm) | [155: 160) | [160: 165) | [165:170) | [170:175) | [175: 180) | [180: 185)
S hoc sinh nir
16p 12C 2 7 12 3 0 1

Hay tinh khoang t& phan vi ctia mau s6 liéu ghép nhom trén (1am tron dén hang phan tram).
C. 6,02.

A. 6,03.

B. 6,00 .

D. 6,05.

Swu tam va bién soan
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Cau 11: Bang dudi day théng ké cu li ném ta ciia mdt van dong vién.

Cau 12:

Cu li (m)

[19: 19.5)

[19.5: 20)

[20: 20.5)

[20.5: 21)

[21:21.5)

Tan s6

13

45

24

12

6

Do 1éch chudn cia mau s6 lidu ghép nhom trén 1a bao nhiéu (Iam tron dén hang phan nghin)?
A. 0,526. B. 0,500. C. 0,531. D. 0,600.

Cho ba diém A(3;1;0); B(2;1;—1);C(x;y;—1). Tim toa d0 ciia C dé tam gidc ABC 1a tam gidc
vuong can tai 4

A. (4;1+\/§;—1);(4;1—\/§;—1).

C. (2:1-1).

B. (4;1;-1).
D. (2;-1;-1).

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau l:

Cau 2:

Cau 3:

cau, thi sinh chon dung hoac sai.
x?—3x+5

Hoi ham sé y =
x+1

¢6 dd thi (C).

a) D6 thi (C) c6 tiém can dimg 1a duong thang x=—1.
b) Puong thang y = x+1 13 tiém can xién ctia do thi (C).
¢) Ham s6 nghich bién trén khoang (—4;-1) va (-1;2).

d) Puong thang di qua diém cuc dai va diém cuc tiéu cia do thi ham sd 1a y =2x+3.

Oxyz A(1;-1;0) B(=2;5;3) C(3:4;9)

Trong khong gian , cho tam gidc ABC c6

a) Toa dg trong tdim G cua tam gidc ABC la G(%;g%j .

b) Toa d¢ vecto AB = (3;-6;-3).
¢) Véi diém D(6;—2;6)thi tir gidc ABCD 1a hinh binh hanh.
d) Véi diém M (a;b;c) thude doan AB sao cho MA=2MB . Khidé a+b+c=6.

Mot chau cay dugc dat trén mot gia dd ¢ bon chan. Trong hé truc toa do duoc chon, c6 diém
dat §(0;0;30) va cac diém cham mat dat cua bdn chan lan luot 1a A(30;0;0), 8(0;30;0),

C(-30;0;0),D(0;-30;0) (don vi cm). Biét trong luc téc dung lén chau cdy c6 do 16n 80 N va

dugc phan bd thanh bén luc E,E,F},E co do 16n bé“mg nhau nhu ( nhu hinh minh hoa bén

duoi). -

a) Do dai vecto SA 13 304/3 . 5 -

b) Hinh chép S.4BCD 1a hinh chép tir giac déu. *T & X

¢) Hinh chép S.4'B'C'D'" 14 hinh chép tif gide déu. Biét F P

A',B',C', D' lan luot la diém cudi cua cac vecto luc D 7 B ;;-

F.F,F,F,. / f
X

d) Biét F, =(a; b; ¢) khi do: a+b—c=20.

Page 3

Swu tam va bién soan



DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Mot bac tai xé thong keé lai do dai quang dudng (don vi: km ) bac di 1ai xe mdi ngay trong mot
thang ¢ bang sau:

b6 dai quang duong
(km) [50:100) | [100:150) | [150:200) | [200;250) | [250:300)
S6 ngay 5 10 9 4 >

a) Khoang bién thién cia miu sb liéu ghép nhom 1a 250( km) )
b) Khoang tir phan vi ciia mau sd liéu ghép nhom gan bang 79,17 .
¢) Sb trung binh ctia mau sb liéu ghép nhom 1a 145 .

d) D6 1éch chuan ctia mau s6 liéu ghép nhém gan bang 55,68.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau l:

Cau 2:

Cau 3:

Trong khong gian véi hé toa dd Oxyz, cho A(2;0;0),B8(0;2;0),C(0;0;2). C6 bao nhiéu diém

M théa man AMB =BMC =CMA=90'.
x* —4x+1
x+2

Khoang cach tir gbc toa d0 O dén A 1a bao nhiéu? (két quda lam tron dén hang phan tram)

Gia str chi phi dé xudt ban x cudn tap chi (gdm: luong can bd, cong nhan vién, gidy in,.) duoc
cho béi cong thire: C(x)=0,0001x> —0,1x +10000, trong d6 C(x) duogc tinh theo don vi 1a van
dong (1 van dong =10000 dong). Chi phi phat hanh cho mdi cudn tap chi 1a 3 nghin dong. Ta goi
T'(x) la tong chi phi bao gom chi phi xuat ban va chi phi phat hanh cho x cuon tap chi. Ti s
M(x)= @ duoc goi 1a chi phi trung binh cho mot cudn tap chi khi xudt ban x cuén. Tim chi
phi trung binh thip nhat cho mot cudn tap chi 1a bao nhiéu van dong (1am tron dén hang phan
chuc), biét rang nhu cau hién tai xuat ban khong qua 30000 cudn?

Cho bang s6 li¢u vé khoi lugng cta 30 cu khoai tay thu hoach tir mét thira ruong nhu dudi day.
Khéi luong (gam) [70;80) [80;90) [90;100) [100;110) [110;120]
Tan so 3 6 12 6 3

Cho ham s6 y = . Goi A 1a duong thing di qua hai diém cuc trj ctia do thi ham sb.

Khoang tir phan vi ciia mau so li€u ghép nhoém trén 1a bao nhiéu?
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Cau5: Mot may bay dang cit canh tir phi truong. Vi hé toa dd Oxyz dugc thiét 1ap nhu hinh bén duéi
(dom vi trén cdc truc toa @ la km ), cho biét may bay cit canh theo dudng thang véi tbe d6 khong
d6i khoang 200km/h, bit dau tai diém O, sau 3 phat & tai vi tri diém M, biét

NOB =32°, MOC = 65° . Toa do cuia diém M 1a (a;b;c). Tinh gid tri ctia bicu thic a+b—c.
(Két qua lam tron dén hang don vi).

Cau 6: Trong khong gian Oxyz , m{t may bay dang bay ¢ tai vi tri 4(400;200;10) . Theo hanh trinh du
dinh, may bay s& phai bay qua vi tri B(700;200;10). Tuy nhién do thoi tiét xau, may bay phai
chuyén huéng bay dén vi tri C(800;400;8). Hoi trong quing thoi gian tranh ving thoi tiét x4u,
may bay d phai bay chéch hudéng du dinh mot goc bao nhiéu d6? (két qua lam tron dén hang
phan muoi).
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HUONG DAN GIAI CHI TIET
PHAN 1. Cau trac nghiém nhiéu phwong an lua chon. Thi sinh tra 101 tir cau 1 dén céu 12. Moi cau héi
thi sinh chi chon m¢t phuong an.
Caul: Chohamsé y=f(x) c6 do thi nhu hinh v&
YA
3l ____

P —_ —_ — — — — — —

\
1
%)
@9
A

1 {
-1
Diém cuc tiéu ctia ham s6 da cho 1a
A x=-1. B. x=2. C. x=3. D. =01
Loi gidi
T dd thi suy ra diém cuc tiéu cta dd thi ham sd d3 cho 1a x=0.

Céu2: Chohamsd y= f(x) c6 bang bién thién nhu sau

_2 +oo +o0o
00 — 00 2

Ham s6 da cho dong bién trén khoang
A. (-;0). B. - C. (-1;0). D. (—1;+x).
Loi giai

Tur bang bién thién suy ra ham sb da cho dong bién trén khoang (—o0;-2).

, 5 :
Cau3: Chohamsd y=f(x) x4c dinh, lién tyc trén [—1,5} va ¢6 do thi nhu hinh v&.

. e 17 A \ .7 . 5 A 5 \ A A 5 \
Gia tri 16n nhat M va gia tri nho nhat sz cia hamso f (x) trén [—l,z} la

A M=4,m=1. B. M=4,m=-1. C.M:%,m:—l. D.M:%,mzl.
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Cau 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Loi giai
Chon B

Dua vao do thi, masxf(x) =4;min f (x)=-1.

[‘“ﬂ )

Chohamsd y = f(x) co lim f(x) =2valim f(x) = -2 . Khang dinh nao sau day la khang dinh

dang?

A. D6 thi ham sb da cho c6 hai tiém cin ngang 14 cac duong thing x =2 va x=-2.

B. 6 thi ham s da cho khong c6 tiém can ngang.

C. D) thi ham s d3 cho co6 ding mdt tiém can ngang.

D. D6 thi ham sé da cho c6 hai tiém can ngang 1 cac dudng thang y =2 va y=-2.
Loi giai

Chon D

Theo dinh nghia, db thi ham sb da cho c6 hai tiém cn ngang 13 cac duong thang y=2va

y=-2.

Ham s6 nao trong cac ham so6 sau c6 do thi nhu hinh vé bén dudi

-3 -2 -0
/ |
// 1
s |
< |
// =2
/ [
' I .
, —3
742
A. B.yzx x. C.y:x+2. D.y=x3—3x+2.
x+1 x+1
Loi giai

Ttr d6 thi suy ra ham sé d4 cho c6 dudng tiém can ding 13 x=—1.

Ciing tir d0 thi suy ra giao diém cta do thi ham s6 véi truc Oy 1a diém c6 toa do (0;2).

2
L X g . s X +x+2
Vay ham s6 ¢6 do thi nhu hinh trén 1a y:—1
X+

Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh tim O. Tinh téng S4 + SB +SC + SD?

A. 450. B. SO. C.0. D. 250.

Loi giai
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Cau7:

Cau 8:

Cau 9:

Cau 10:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Ta co S—A+§+§?+S_D:(S71+§’)+(S_B+S—D) =280 +2S0 =450

Cho |;1| =2;

l;| =6, gbc gilra hai vecto a vab bang 120°. Khang dinh nao dudi diy dung?
A.ab=12. B. ab=40. C.ab=-6. D. ab=63.
Loi giai

ab= |Zz|.|l;|.cos(&,l;) =2.6.c0s120° = 2.6.(—%) =-6.

Trong khong gian toa d Oxyz cho diém M (1; —J2:\3 ) Tim diém M'e Ox sao cho do dai
doan thing MM’ ngén nhét.
A. M'(=1;0;0). B. M'(1;0;0). C. M'(1;0:43). D. M'(1;~2;0).
Loi gidi
MM’ ngan nhét khi diém M’ 1a hinh chiéu diém M trén truc Ox = M'(1;0;0).

Sb do can nang cia mot sb hoc sinh 16p 12D duge cho trong bang sau:
Can nang(kg) | [40.5:45.5) | [45.5:50.5) | [50.5:55.5) | [55.5:60.5) | [60.5:65.5) | [65.5;70.5)

S6 hoc sinh 10 7 16 4 2 3
Khoang bién thién ctia mau sé liéu ghép nhom trén 1a
A.S. B. 30. C. 16. D. 10.
Loi giai

Khoéng bién thién ctiia miu sb liéu ghép nhom 1a 70,5—-40,5=30.

Ban Trang thong ké chiéu cao (don vi: cm) cta cc ban hoc sinh nit 16p 12C ¢ bang sau:

Chiéu cao (cm) | [155: 160) | [160: 165) | [165:170) | [170: 175) | [175: 180) | [180: 185)

S hoc sinh nir

16p 12C 2 7 12 3 0 1
Hay tinh khoang tir phan vi ctia mau s6 liéu ghép nhom trén (Iam tron dén hang phan tram).
A. 6,03. B. 6,00. C. 6,02. D. 6,05.
Loi giai

Comau n=2+7+12+3+0+1=25.

Gol x;5x,;...;X)1a mau sb liéu géc vé chiéu cao ctia 25 hoc sinh nit 16p 12C duoc xép theo thw
tu khong giam.

Ta co:

x;;x, €[155;160), xy5...;x, €[160;165), x,5...;x,, €[165;170), x,,; X555 x,, €[170;175)

%, €[180;185).
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Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

N N T X Faea A 1y XgtX
T phén vi thir nhat ctia mau s6 li¢u goc la ——

[160;165). Do d6, tir phan vi thir nhat cia

mau so0 liéu ghép nhom la:

i)
4 4565
=160+ 165-160)=——.

Tt phan vi thi ba ctia mau s6 liéu gbc 1a szzo € [165;170) . Do d0, tir phan vi thtr ba cta

mau so liéu ghép nhém la:

2 _(247)

2
0,=165+—2 705

(170-165) =——.
16
Khoang tr phan vi cia mau s6 liéu ghép nhom vé chiéu cao cuia cac ban hoc sinh nit 16p 12C
la:
2705 4565

A,=0,—-0 =——————=6,03.
(0] Q3 Ql 16 28
Béang dudi day théng ké cu li ném ta ctia mét van dong vién.
Culi(m) | [19:19.5) | [19.5:20) | [20:20.5) | [20.5:21) | [21:21.5)
Tan s6 13 45 24 12 6

Do 1éch chudn cua mau sb lidu ghép nhom trén 1a bao nhiéu (Iam tron dén hang phan nghin)?

A. 0,526. B. 0,500. C. 0,531. D. 0,600.
Loi giai
Ta c6 bang sau:
Cu li (m) [19:19.5) | [19.5:20) | [20:20.5) | [20.5:21) | [21:21.5)
L i 19.25 19,75 2025 20,75 21.25
dai dién
Thn sb6 13 45 24 12 6

Comaula n=13+45+24+12+6=100.

S trung binh ctia mau 6 liéu ghép nhom 1a:
13.19,25+45.19,75+24.20,25+12.20,75+ 6.21,25
100

Phuong sai ctia miu s6 liéu ghép nhom 1a:

s? =ﬁ[l3.(19,25)2 +45.(19,25)" +24.(19,25)" +12.(19,25)’ +6.(19,25)2}—(2o,015)2

x= =20,015.

~=0,277.
Do léch chuin cua mau s liéu ghép nhom 1a: S =52 ~4/0,277 = 0,526.
Cho ba diém A(3;1;0); B(2;1;—-1);C(x; y;—1). Tim toa d6 cia C dé tam giac ABC 1a tam giac

vuong can tai 4

A (142;-1)3 (451 -425-1). B. (4;1;-1).

C. (21,-1). D. (2-1;-1).
Loi giai

Chon B
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AB=(-1,0,-1)= 4B* =2; /TC=(x—3;y—1;—1):>AC:\/(x—3)2+()’_1)2 +1

AB 1 AC {E.R’:o
=

Tam gidc ABC vudng can tai A nén
AB=AC  |AC*=A4B’

~1(x=3)+0(y-1)+1=0 {x=4 {x=4
< R =
(x=3) +(y-1)"+1=2 4yt —6x-2y+9=0 |y=1

Vay C(4;1;—1).

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 101 tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon ding hodc sai.

x?=3x+5
x+1

a) D6 thi (C) co ti¢ém can ding la duong thang x=—1.

Hoi ham s6 y = c6 dd thi (C).
b) Puong thiang y = x+1 13 tiém can xién cta dd thi (C).
¢) Ham s nghich bién trén khoang (—4;—-1) va (-1;2).

d) Puong thang di qua diém cuc dai va diém cyc tiéu cta d6 thi ham sd 14 y =2x+3.

Loi giai
| ayPing | b)Sai | oPing | d)Sai |
a) bung.
2
lim £(x)= lim "5 e
x—-1" x—-1" X+ 1
x> —3x+5 3

lim f(x)= lim
Vi x—-1" x+1

Nén dd thi (C) co tigm can ding la duong thang x=—1.
b) Sai.

lim(f(x)—(x—4))=0

= Tiém can xién cua (C) la dudng thang y=x—4.

¢) bung.
x=2
x=-4

X +2x-8

TXD: D=R\{-1}. y'
{ } y (x+1)2

. Giai y':O:>x2+2x—8:0:>{

»' khong xac dinh khi x=-1.

Bang bién thién:
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X | —© —4 -1 2 +00
V' + 0 - - 0 +
—-11 +00 +00
—00 —0 1
Ham s nghich bién trén cac khoang (—4;—1) va (—1;2)
d) Sai.
x*+2x-8 5 x=2
TXD: D=R\{-1}. y'==—""""2 Gidi y'=0=x"+2x-8=0=
(x+1) x=—4

»' khong xac dinh khi x=-1.

Bang bién thién:
X | —o0 —4 -1 2 +00
' + 0 - - 0 +
-11 +00 +00
—00 —00 1

Tir BBT suy ra d6 thi ham s6 c6 2 diém cuc tri la 4(—4;—-11), B(2;1)

7 7 x=2 _ y—1 <:>x—2:y—1
Vay duong thang qua 2 diém cuc trila 2—(-4) 1-(-11) 6 12
=12x-24=6y—-6< y=2x-3

A(l;—l;O)’ B(—2;5;3)’ C(3;:4:9)

Oxyz

Cau 2: Trong khong gian , cho tam gidc ABC c6

a) Toa do trong tam G cua tam giac ABC la G(%;%; j

b) Toa do vecto AB = (3;-6;-3).
¢) Véi diém D(6;—2;6)thi tir giic ABCD 1a hinh binh hanh.
d) Véi diém M (a;b;c) thuge doan AB sao cho MA=2MB . Khidé a+b+c=6.
Loi gidi
| ayPing | b)Sai | oPing | d)Sai |

a) Dung
. N , . . 2.4
Toa do trong tam G cua tam giac ABC la G 5;5; .

b) Sai

Toa do vecto AB = (-3;6:3).

c) bing

T gidc ABCD 1a hinh binh hanh khi D(6;-2;6)
d) Sai
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Piém M thudc doan AB sao cho MA=2MB.
Khi d6 W:%E:(—z;m).DiémA(l;—1;0) nén M(-1;3;2).

Viy a+b+c=4.

Mot chau cay dugce dat trén mot giad do co bdn chan. Trong hé truc toa d§ dugc chon, cé diém
dat §(0;0;30) va cac diém cham mat dat cua bdn chan lan luot la A(30;0;0),8(0;30;0),
C(-30,0;0),D(0;-30;0) (don vi cm). Biét trong lyc tic dung 1én chdu cdy c6 do 16n 80 N va
dugc phan bd thanh bén luc F{ ,FZ,E ,E co do 1on bf?mg nhau nhu ( nhu hinh minh hoa bén

dudi).

i
|:r--]

"T_' '1|'

F] } &

a) b6 dai vecto SA 1a 3043 .
b) Hinh chdp S.4BCD 1a hinh chép tir giac déu.
¢) Hinh chép S.4'B'C'D" 1a hinh chép tir giac déu. Biét 4',B",C", D" lan luot 14 diém cubi

_—

cua céc vecto luc F, F,, 173, F,.
d) Biét F; =(a; b; ¢) khido: a+b—c=20.

Loi giai
| a) Dung | b) Diing ‘ ¢) Dung ‘ d) bung

Theo hinh v& ti gidc ABCD c6 hai duong chéo bang nhau va vudng goc voi nhau tai trung
diém ctia mdi duong nén 1a hinh vudng.

Taco SA=(30;0;-30),SB = (0;30;-30),SC = (-30;0;-30),SD = (0;-30;-30),

a) (Sai). Suy ra S4=SB=SC =SD =203 .

b) (Pung). Do d6 S.ABCD 1a hinh chop tir gidc déu.

¢) (Pung). Céc vecto E,F’Z,E,E c6 diém dau tai S va diém cudi 1an luot 1a 4", B',C",D’.
Tacd S4'=SB'=SC'=SD' nén S.A'B'C'D' ciing 12 hinh chép tr giac déu.

d) (Sai). Goi F 1a trong lyc tac dung 1én chau cdy va O’ 1a tdm cua hinh vuéng 4'B'C'D’. Ta
co:

F=F +F,+F,+F,=SA'+SB'+SC'+SD' =4S0' .
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Ta ¢ |F|=80, suy ra ‘@‘ =S0' =20.

Hinh 5

Do tam gidc SO'A’ vudng can nén S4' = SO'N2 =20~/2 = %SA ,

suy ra F, :gzgﬂ:(ZO;O;—ZO) nén a+b-c=40.

Mot bac tai xé thong ké lai do dai quang duong (don vi: km ) bac di 14i xe mdi ngay trong mot
thang ¢ bang sau:

Po dai quing duon
? el e s [50:100) | [100:;150) | [150:200) | [200:250) | [250:300)
(km )

S6 ngay 5 10 9 4 2
a) Khoang bién thién ctia mau sb liéu ghép nhom 1a 250( km) .
b) Khoang tr phan vi ciia mau sd liéu ghép nhom gan bang 79,17 .
¢) S trung binh ctia mau sd liéu ghép nhom 1a 145 .
d) Do 1éch chuan ciia mau s6 liéu ghép nhom gan bang 55,68.

Loi giai
| a)yPing | b)Ping | ¢)Sai | d)Ping |

a) Piing. Khoang bién thién ciia mau 6 liéu ghép nhém 1a: R =300-50 =250( km).

b) Ping. Cd mau n=5+10+9+4+2=30.

Goi x,;...;%,, 1a mau sb liéu gdc vé do dai quang dudng bac tai xé da 1ai xe mdi ngay trong mot
thang duoc xép theo thir ty khong giam.

Ta co X;5...3%5 €[50;100),
Xys3-- 3 Xp5 €[2005250), x5 x5, € 250;300).

Xg5--3%5 €[100;150), Xi65-- 3%, €[150;200),

Tt phan vi thtr nhat cua mau s6 liéu gbe 13 x; €[100;150). Do d6, tir phan vi thir nhat cia miu

s

s6 liéu ghép nhom 1a: O, =100+ 410 (150-100)=112,5.
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Tt phan vi thir ba cia mAu s6 liéu gdc 1a x,, €[150;200). Do do, tir phan vi thi ba ciia mau sb

3.30

. , ~(5+10) 575
liéu ghép nhom la: O, = 100+#(200 150)
S S S . 1 575
Khoang tr phén vi ciia mau s0 liéu ghép nhom la: A, =0, -0, = -112,5=79,17.

¢) Sai. Ta co6 bang sau:

P dai quing duon
0 o dTane s [50:100) | [100:150) | [150;200) | [200;250) | [250;300)
(km )
Gia tri dai dién 75 125 175 225 275
S6 ngay 5 10 9 4 2
S6 trung binh ctia mau s6 liéu ghép nhom la: x= 5.75+10.125+9.175+4.225+2.275 155

30
d) Pung. Phuong sai cia miu sb liéu ghép nhom 1a:

S? =%[5.752 +10.125% +9.175> +4.225° +2.2752]—1552 ~3100

D6 1éch chuén cia mau sb 1idu ghép nhom la: S =+ S? =~/3100 ~ 55,68 .

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau 1:

Cau 2:

Trong khong gian véi hé toa dd Oxyz, cho A(2;0;0),8(0;2;0),C(0;0;2). C6 bao nhiéu diem
M théa min AMB = BMC = CMA=90".
Loi giai
Tra loi: 2
Goi M (x;y;z). Taco AMB = BMC = CMA = 90°
AM BM =0 x(x=2)+y(y-2)+2z"=0 Xy +z22-2x-2y=0
SIBMCM =0 3" +y(y-2)+2(2-2)=0 = {x’ + )’ +2° -2y -22=0
CM.AM =0 x(x=2)+)y*+z(z-2)=0 Xy +22-2x-2z=0
X +y +z28-2x-2y=0 3x* —4x=0
Siy=x S{y=x

z=X zZ=X
Vay M(0;0;0),m[ 2, 2.2,
3’373

+1

4
Cho ham s§ y = i . Goi A la duong thang di qua hai diém cuc tri ctia d6 thi ham sb.

Khoang cach tir gbc toa d6 O dén A 1a bao nhiéu? (két qua lam tron dén hang phan trdam)

Loi giai
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Tra loi: 1,79

2
Xét ham sb y:ﬂ, D:R\{—2}.
x+2

B x*+4x-9

=-2++/13
Co y'= =0 +4x-9=0 * V13

(x+2)? x==2-+13
Véi x=—2-13 = y=-4-2J13 = 4(-2-+/13;-4-213).

Voi x=-2+13 = y=—4+2J13 = B(-2+/13;-4+ 24/13).

Suy ra: 4, B la hai diém cuc tri ctia dd thi ham s6, khi d6
A=AB:y=2x-4<2x—-y—-4=0
Vay d(om :i =1.79.

NG
Gia str chi phi dé xuit ban x cudn tap chi (gdm: luong can bd, cong nhan vién, gidy in,.) duoc
cho béi cong thire: C(x)=0,0001x> —0,1x +10000, trong d6 C(x) duogc tinh theo don vi 1a van
dong (1 van dong =10000 dong). Chi phi phat hanh cho mdi cudn tap chi 1a 3 nghin dong. Ta goi
T'(x) la tong chi phi bao gom chi phi xuat ban va chi phi phat hanh cho x cuon tap chi. Ti so

T . . R £ Pt A 1n £ X .
M(x)= ) duoc goi 1a chi phi trung binh cho mdt cudn tap chi khi xuat ban x cuon. Tim chi
X

phi trung binh thip nhat cho mot cudn tap chi 1a bao nhiéu van dong (1am tron dén hang phan
chuc), biét rang nhu cau hién tai xuit ban khong qua 30000 cudn?
Loi giai
Tra loi: 2,2.
Chi phi phat hanh cho mdi cudn 1a 3 nghin ddng, tirc 14 0,3 van dong.
Suy ra chi phi phat hanh cho x cudn 13 0,3x (van dong).
Theo dé bai, ta c6 tong chi phi xuat ban va phat hanh cho x cudn tap chi la:
T(x) = C(x)+0,3x =0,0001x> +0,2x+10000 véi 0 < x <30000.

Xéthamso f(x)=M(x) =T _6,0001x+0,24 1229 i 0 < x 30000,
X X
2

£() = 0,0001 - 100200 _ 0,0001x : 10000

X X
f'(x):0<:> x=10000 (d0x>0).
lim f(x) = +o0.
x—0"
Bang bién thién:

z [0 10000 30000
f'(z) - 0 +

+00

f(z) £(30000)

Dura vao bang bién thién, ta thdy gia tri cia M (x) nho nhét khi x =10000 .
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Cau 4:

Cau 5:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Do d6, sb lugng tap chi can xuét ban sao cho chi phi trung binh thip nhit 1a x =10000 (cudn).
Vay chi phi trung binh cho mét cudn tap chi khi xuat ban 10000 cudn 1a: M (10000) = 2,2 (van

dong).
Cho bang s liéu vé khéi luong ctia 30 ct khoai tdy thu hoach tir mot thira rudng nhu dudi day.
Khéi luong (gam) [70:80) [80:90) [90;100) [100;110) [110;120]
Tan s6 3 6 12 6 3
Khoéng t&r phan vi ctia mau s liéu ghép nhém trén 1a bao nhiéu?
Loi giai
Traloi: 15.
Codmiu n=3+6+12+6+3=30
Gol x5 x,5 ...; x5 1a khéi lugng ctia 30 cu khoai tay dugce sép Xép theo thir tu tang dan.

Nhém dau tién 6 tan sd tich liy 10n hon hodc bang %TO =7,5 la nhom [80;90), do d6 tir phan vi

93

thir nhat nam trong nhém [80;90). Ta c6: O, =80+ 4 - (90-80)=87,5.

Nhom dau tién c6 tan so tich lity 16n hon hodc bing % =22,5 la nhom [100;110), do d6 ti

phan vi thir ba nam trong nhom [100;110). Ta co:

3 30-(3+6+12)

0,=100+2 - (110-100)=102,5.

Vay khoang tt phan vi ctia mau s6 liéu ghép nhom la: AQ = 0,-0 =102,5-87,5=15.
Mot may bay dang cat canh tir phi truong. Vi hé toa 40 Oxyz duge thiét 1ap nhu hinh bén duéi

(don vi trén cdc truc toa dg la km ), cho biét may bay cét canh theo duong thang véi toc d6 khong
d6i khoang 200km/h, bit dau tai diém O, sau 3 phat o tai vi tri diém M, biét

NOB = 32°, MOC = 65°. Toa do cua diém M la (a;b;c). Tinh gia tri cia biéu thac a+b—c.

(Két qua lam tron dén hang don vi).

Traloi: 8

Page 16

Swu tam va bién soan



Caiu 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Quing dudng mdy bay bay duoc 1a: OM = 200.?%O =10(km).

Xét tam gidc OCM vudng tai C, ta cod
¢=0C=0M.cos65°=10.cos 65° va ON = CM = OM .sin 65° =10.sin 65°.
Ta c6: AON =90°—BON = 58°
Xét tam gidc OAN vudng tai 4, ta co
a=0A = ON.cos AON =10.sin 65°.cos 58°
va b= AN = OB = ON.sin AON =10.sin 65°.sin 58°
Vay a+b—c=10.sin65°.c0os58°+10.sin 65°.sin 58°—10.cos65° = §.
Trong khong gian Oxyz , mdt may bay dang bay ¢ tai vi tri 4(400;200;10) . Theo hanh trinh dy
dinh, may bay s& phai bay qua vi tri B(700;200;10). Tuy nhién do thoi tiét xiu, may bay phai
chuyén hudng bay dén vi tri C(800;400;8). Hoi trong quang thoi gian tranh ving thoi tiét xau,
may bay da phai bay chéch huéng du dinh mot goc bao nhidu d6? (két qua lam tron dén hang
phan muoi).
Loi giai
Tra loi: 26,6.
Ta c6 AB =(300;0;0), AC = (400;200;-2).
Khi do, goc gitra hai vecto AB va AC la gbc ma may bay da phai bay chéch hudng du dinh.
AB.AC _ 120000
ABAC 300,/400” +200° +(-2)’

Suy ra (E,I’) ~26,6°.

Ta cod COS(ZE,ZE) =

Viay goc ma may bay da phai bay chéch hudng du dinh 1a khoang 26, 6° .
---------- HET -
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 03

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 3:

thi sinh chi chon mgt phuwong an.
Cho hamsé y = f (x) ¢ dd thi 1a dudng cong nhu hinh v& sau. Ham sé di cho nghich bién trén
khoang nao dudi day?

Yy

\
o\ a
1~"2

1

_1l

A. (-L1). B. (—o0;—1). C. (0;1). D. (1;2).
Biéu d6 dudi day biéu dién sb lwong khach hang dit ban qua hinh thirc tryc tuyén mdi ngdy trong
quy 71 nam 2022 cta mot nha hang. Cot thir nhit biéu dién sé ngay co tir 1 dén dudi 6 luot dit

ban, cot thir hai bidu dién sd ngay c6 tir 6 dén dudi 11 lugt dat ban;. ..

S6 ngay
35 ........................................................................................
30 ................

15114

10 1

1 6 11 16 21 26 S6 luot dit ban

Khoang tir phan vi ciia mau so liéu ghép nhém cho bai bieu do trén 1a?

A.9,5. B. 8,5. C. 10,5. D. 7,5.
DPé danh gia chét luong cia mot loai pin dién thoai méi, ngudi ta ghi lai thoi gian nghe nhac lién
tuc cua di¢n thoai dugc sac day pin cho dén khi hét pin cho két qua sau:

Thai gian (gid) [5:5.5) | [5,5:6) | [6:6,5) | [6,5:7) | [7:7.5)
S6 chiéc dién thoai (tin s6) 2 8 15 10 5

Tinh d6 1éch chuin ctia miu sb liéu ghép nhom trén (1am tron dén 4 chir s6 thap phan)

A. 0,4252. B. 0,5314. C. 0,6214. D. 0,5268.
N . +2
Tiém can ding cua do thi ham s6 y = al 1 la
X+
A. x=-1. B. x=-2. C. x=1. D. x=2.
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Cau 5:

Ciu 6:

Cau 7:

Cau 8:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

D6 thi ciia ham sd nao dudi day c6 dang nhu duong cong trong hinh sau.
y

2x+1 2x—1 2x2 +3x+2
_ p. y="—r——

x+1° x+1° x+1
Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D' co

A(1;,0;1),B(2;1;2), D(1;-1;1),C'(4;5;=5) . Tim toa d¢ tdm 7 ctia hinh hop?

A. 1 —i;i;—?) . B. I i;2;—3 . C. I —2;2;—2 . D. 7/ 2;2;—2 .
22 22 22 22

Cho lap phuong ABCD.A'B'C'D’ (Hinh minh hoa bén duwéi) c6 dd dai mdi canh bang 1. Tinh do
dai ctia vecto AC+C'D’.

B. y=x -3x-1. C.y=

Al o
DA i fod
Y S ---JB
D’, - C
A 3. B. 2. C. 1. D. 242 .

Trong khong gian véi hé truc toa do Oxyz , cho vecto u= (4;—2;—3) va diém 4 (1; 2;3). Toa dd

didm M thoa min AM =u la:

A. M(-5;0;0). B. M(5;0;0). C. M(5;,-2;-3). D. B(4;-2;-3).
Cho hinh chép déu S.4BCD tit ca cac canh bang 23 (dvdd). Tinh d¢ dai vecto u=SA-SC
A V3. B. 2. C. 26 . D. 2\2.
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Céu 10: Pudng cong trong hinh bén 1a dd thi ctia ham s6 nao?

i 4
/

2 2 2 2
x —x-1 x —x-1 x =2x-1 x —x+1
A y=——"". B.y=—-——. C.y=———. D y=" "~
4 x+2 7 x—2 d x—=2 4 x—2
Cau 11: Cho ham sb y =e”* —5e* +2x . Tim gia tri nho nhat ciia ham s trén doan [0;2]‘?
A e -12. B. 4. C.2In2-6. D. In2-6.

Céu 12: Trong khong gian vai hé truc toa dd Oxyz , cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 diém A
trung v6i gbe toa 40 O, diém B nam trén tia Ox , diém D nam trén tia Oy, diém A'nim trén
tia 0z.Biét AB=2,AD =4,44' =3 . Goi toa d0 cia C' 1a (a;b;c) khi d6 biéu thitc a+b—c ¢6
gia tri 1a.

A. 4. B. 9. C.3. D. 6.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

cau, thi sinh chon ding hodc sai.

x—1

Caul: Chohamsb y==—— c6dd thi (C).
x+1
Sora A 1s 2
a) Pao ham hamso 1a y'= =
(x+l)

b) Tiém can ngang ciia d6 thi ham s6 1a y =1.
¢) Tam déi xtmg cta do thi ham s6 1a (1;-1).
d) VM e (C) tich khoang cach tir M dén cac dudng tiém can bang 3.
Cau2: Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D' ¢6 A(1;0;1), B(2;1;2), D(L;-11),
D'(3;4;-6).
a) Toa do AB = (L11).

b) Toa do C(2;1; 2).
¢) Toa do A'(3;5;-6)

d) Toa do trong tdm tam giac A'B'C la G(3; 4; —3)
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Mot nguoi diéu khién mét flycam & bia rig dé phuc vu viéc khédo sat qua trinh lam td ctia mot
lodi chim. Ban dau flycam & vi tri ngudi diéu khién & bia rimg va bét dau di chuyén dén vi tri 4
cach vi tri diéu khién 500m vé phia nam va 680m vé phia dong, dong thoi cach mat dat 10m. Sau
d6, flycam duogc diéu khién dén vi tri B cach vi tri diéu khién 900m vé phia bac va 450m vé phia
tay, dong thoi cach mat dat 15m.

Chon hé tryc toa do Oxyz voi gbe O 1a vi tri diéu khién, mat phiang (Oxy) triung voi mat dat,
truc Ox c6 hudng trung véi phia nam, truc Oy c¢6 hudng trung voi hudng dong, truc Oz

vudng goc mat dat huéng 1én bau troi, mdi don vi trén céc truc trong ing véi 1m.

a) Toa d6 cua flycam khi dang ¢ vi tri A4 1a 4(500;680;0).

b) Quing dudng flycam bay thang tir vi tri diéu khién dén vi tri 4 khoang 844m (lam tron két
quéa dén hang don vi).

¢) Thoi gian bay thang tir vi tri 4 dén vi tri B 16n hon 4 phut, biét toc do bay duoc duy tri sudt
quatrinhtr 4 dén B 1a 8m/s.

d) Sau khi khao sat vi tri B thi flycam chi du pin hoat dong trong 2 phut. V&i téc do 8m/s thi
flycam van c6 thé quay vé vi tri diéu khién.

Béng 24 thong ké do 4m khong khi trung binh cac thang ndm 2021 tai Pa Lat va Viing Tau (don
vi: %).

N 2 | 34 | 5| 6 | 20”8 | 9 | 10| 11| 12
Do am |

bia Lat 83 |79 |79 | 87 | 87 | 87 | 88 | 89| 90 | 91 | 88 | 86 |
VingTau | 75 | 77 78 | 77 | 79| 79 | 81 | 79 | 81 | 83 | 80 ??:

(Nguon: Nién giam Thong ké 2021, NXB Thong ké, 2022)

Ngudi ta 1an luot ghép cac sb liéu cua Pa Lat, Viing Tau thanh mau s6 liéu ghép nhom nhu sau:

ba Lat Viing Tau
Nhém Gia trij dai Tan so Nhom Gia trij dai Tan so
dién dién
[75;78,3) 76,65 0 [75;78,3) 76,65 5
[78,3;81.6) 79,95 2 [78,3;81.6) 79,95 6
[81,6;84,9) 83,25 1 [81,6;84,9) 83,25 1
[84,9;88,2) 86,55 6 [84,9;88,2) 86,55 0
[88,2;91,5) 89,85 3 [88,2;91,5) 89,85 0

a) Xét sb liéu & Pa Lat ta co khoang bién thién 13 16,5
b) Xét s6 liéu & Viing Tau thi khoang tt phan vi a 0,23 (1am tron két qua dén hang phan trim)

¢) Xét s6 liéu & Da Lat thi do 1éch chuan ciia mau sb lidu ghép nhom 1a 3,28 (Iam tron két qua
dén hang phan tram)

d) Pa Lat c6 nhiét d6 khong khi trung binh thang déng déu hon so véi ¢ Viing Tau vi c6 do
1&ch chuan nhé hon.
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Caul: Chohamsd y=—x*+2x"+3 co gia tri cuc dai Y cp VA gia tri cuc tiéu Yer - Glatri 2y = Ver
bang bao nhiéu? (két qud lam tron dén hang don vi)

Cau 2: Bang sau thong ké can ning cua 30 qua du da dugc lya chon ngau nhién sau khi thu hoach &
vuon nha Lan.

Can nang (g) [750;800) [800;850) [850;900) [900;950) [950;1000)

S6 qua buoi 5 10 5 8 2

Khoang tir phan vi cia mau so liéu ghép nhom trén 1a bao nhiéu? (két qud lam tron dén hang

don vi)

Cau3: Mot siéu thi thong ké sd tién (don vi: chuc nghin dong) ma 44 khach hang mua hang & siéu thi
d6 trong mot ngay. S6 liéu duge ghi lai trong Bang sau:

Nhém Gia tri dai dién | Tin so
[40: 45) 42.5 4
[45: 50) 475 14
[50: 55) 52,5 8
[55: 60) 57.5 10
[60: 65) 62.5 6
[65: 70) 67.5

n=44

Phuong sai ctia miu sd liéu ghép nhom trén 1a bang bao nhiéu? (két qud lam tron dén hang
phan chuc)

Cau4: Trong khong gian véi hé toa do Oxyz, cho hai diém A(-2;3;1) va B(5;6;2). Buong thang AB
, , , . BM
cat mat phang (Oxz) tai diém M . Tinh ti s0 VIR

Cau 5:  Co hai cay cot dung trén mat dét 1an luot cao 1m va 4m, dinh cta hai cay cOt cach nhau 5m.
Ngudi ta can chon 1 vi tri trén mit dt (nim giita hai chan cot) dé giing diy ndi dén hai dinh cot
dé trang tri nhu hinh bén duéi. Tinh d6 dai diy ngan nhat. (két qud lam tron dén hang phan tram)

B

I

.____-_______-_______-___-_-_-_-_-_-_-
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

C6 Lan la nguoi thich lam nhiing gid¢ hoa treo trong nha (nhu hinh bén dudi) c6 lam 1 gidé hoa
treo bang 3 soi diy day mdi soi dai 60cm, miéng ké 1a mot miéng gd can d6i hinh tron ban kinh
20(cm), ba soi day dugc that mot dau bén trén va d& gia gd tai 3 diém tao thanh tam giac déu.
Tinh khdi lugng tdi da cta cac chau hoa dé day treo khong bi dut. Biét luc chiu dung cua mdi
soi ddy bang nhau va mdi soi chiu khong qua 15N, trong lwong ciia miéng gia gb 1a SN. Két

~‘ A ~'m
|
/ \\
/ \

qua 1am tron dén hang phan tram la
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

thi sinh chi chon m¢t phuong an.
Cho ham s y = f(x) c6 d thi la dudng cong nhu hinh v& sau. Ham sé da cho nghich bién trén
khoang nao dudi day?

v

A. (=L1). B. (—o0;-1). C (031). D. (1,2).

Loi giai
Dua vao d6 thi ta c6 ham sé nghich bién trén khoang (0;1)

Biéu d6 dudi day biéu dién sb lwong khach hang dit ban qua hinh thirc tryc tuyén mdi ngdy trong

quy ZII nam 2022 ctia mot nha hang. Cot thir nhat bicu dién s6 ngay c6 tir 1 dén dudi 6 luot dat
ban, cot thir hai bidu dién s ngay c6 tir 6 dén dudi 11 luot dit ban;. ..

S6 ngay

3 b

30 b

25 b

15114

10 1

5.

1 6 11 16 21 26 Sé lugt diit ban
Khoang tir phan vi cia mau sé liéu ghép nhom cho béi biéu d6 trén 132
A.9,5. B.8S5. C. 10,5. D. 7,5.
Loi gidi

Duya vio biéu do ta 1ap dugc bang ghép nhom nhu sau:

Lugt dit ban | [1:6) | [6;11) | [11:16) | [16:21) | [21;26)
S6 ngay 14 | 30 25 18 5

Co mau n=92 va goi x,,X,,...,Xy, 1a mau so liéu da cho
Ta co:
Xperr Xy €[156)5 Xis,enXyy €[6511)5 Xig,e, X €[11516))

Xggseens Xgg € [16;21); Xggreres Xoy € [21;26).
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Cau 3:

Cau 4:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
C £, . X A tea1a + s A4 £, . X x
T phan vi thir nhat ciia mau so liéu 1a % € [6;1 1) . Do d6 tr phén vi thir nhat cia mau so

2 _14

ligula Q, =6+ 430 (11-6)=7,5.

. X 41 +
Tt phan vi thit ba cia mau s6 liéu 1a % ma x, €[11;16) va x,, €[16;21). Do do6 tir
phén bi thir ba ciia mau s ligula Q, =16.
Vay khoang t& phan vi ctia mau s6 liéu la: Apy=0,-0,=16-7,5=8,5.

D¢ danh gia chat lugng ciia mot loai pin dién thoai méi, ngudi ta ghi lai thoi gian nghe nhac lién
tuc ctia dién thoai dugc sac ddy pin cho dén khi hét pin cho két qua sau:

Thoi gian (gid) [5:5.5) | [5.5:6) | [6:6,5) | [6,5:7) | [7:7.5)
S6 chiéc dién thoai (tin s6) 2 8 15 10 5

Tinh d6 1éch chuin cta mu sb liéu ghép nhom trén (1am tron dén 4 chir s6 thap phan)

A. 0,4252. B. 0,5314. C. 0,6214. D. 0,5268.

Loi giai
Thoi gian (gio) [5:5.5) | [5,5:6) | [6:6.5) | [6.5:7) | [7:7.5)
Gia tri dai dién 525 | 575 | 625 | 6,75 | 7,25
S6 chiée dién thoai (tin s6) 2 8 15 10 5

S6 trung binh cua mau so li¢u:

m.x, +..+m.x,  2.525+85,75+15.6,25++10.6,75+5.7,25
n 40

x= = 6,35

Phuong sai ctia mau s liéu ghép nhom:
st = 4%)(2.5,252 +8.5,75° +15.6,25° +10.6,75> + 5.7,252) - 6,35 =0,2775

Do 1éch chuin cua mau s6 lidu ghép nhom la: s = \/S—2 =4/0,2775 = 0,5268.

x+2
x+1

_ B. x=-2. C.x=1. D. x=2.

Loi giai

la

Tiém can ding cua do thi ham s6 y =

Ham s6 da cho c6 tap xdc dinh 1a D=R\{-1}.

R .ox+2 . .ox+2
Taco lim y= lim =+0; lim y= lim =—w0,
xo(-1)" (- x+1 xo(-1) (-1 x+1

Vay duong thang x =—1 13 tiém can dimg ctia do thi ham sé di cho.
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Cau5: DO thi cia ham s nao dudi day co dang nhu dudng cong trong hinh sau.
Y

2% +3x+2
p.y="—""<

x+1

Loi giai
Quan sat dd thi ham sb ta théy dd thi dang bac nhat trén bac nhat, do dé loai B, D
Quan sat d6 thi ham s6 ta thiy v6i x=0 thi y <0, do d6 chon C
Cau 6: Trong khong gian Oxyz , cho hinh hop ABCD.A'B'C'D' co

A(1;0;1),B(2;1;2), D(1;-1;1),C'(4;5;—5) . Tim toa d6 tdm [ ctia hinh hop?

A. 1(—3;2;—3} B. I(i;é;—3)- C. [(—2;2?‘2 :
2’92 2°2 22

x+1

Loi gii
A
A D
i
"
I
I
o
B 1 ]
I P
LA »”
i
N
A N Lo D
# 1
J’ i
# 1
P v
#~ 1
= :
o

Goi 7 1a tam cua hinh hop.
Khi d6 7 1a trung diém cua AC', suy ra I(%;%;—2j.

Ciu7: Cho lap phwong ABCD.A'B'C'D’ (Hinh minh hoa bén dudi) c6 46 dai mdi canh bang 1. Tinh d6
dai cua vecto AC+C'D’ .
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Cau 9:
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Al B’
D i o
S —— ---}B
Dt ~Ye
A3 B.2. C1. D. 242.
Loi giai

Ta c6: A'C'CA 1a hinh chit nhat nén A'C’' = AC.

Khi do: AC+CD' =AC' +CD = AD' nén ‘TC+@‘ - ‘ﬁ‘ —A'D' =1.

Trong khong gian véi hé truc toa do Oxyz, cho vecto u = (4,-2;-3) va diem A(1;2;3). Toa do
diém M théaman AM =ula:
A wCso0, BN

Loi giai

C. M(5;,-2;-3). D. B(4;,-2;-3).

Goi M(x;y;z)
Khi do AM =(x-1;y-2;z-3).

x—-1=4
AM =u < {y-2=-2<1y=0.Vay M(5,0;0).
z-3=-3 |z=0

x=5

Cho hinh chép déu S.4BCD tit ca cac canh bang 23 (dvdd). Tinh d¢ dai vecto u=SA4-SC
ANB. B.2. C. 26. D. 242.
Loi giai

Ta co: ‘ﬁ‘:‘@—ﬁ‘:‘@‘z%/g

Ciu 10: Pudng cong trong hinh bén 1a dd thi ctia ham sb nao?
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Cau 11:

Cau 12:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

A.yzxz—x—l' =xz—x+1
x+2 x=2
Loi giai
Db thi c6 TCD x =2 loai dap an A.
Do thi giao véi truc Oy tai di€m co6 tung do Y loai dap an D.

D6 thi di qua diém (1;1) loai d4p 4n C.

Vay ham s6 thoa mén dé bai 13 ham sé cua dép an B.

Cho ham s6 y = e** —5e* +2x . Tim gia tri nho nhit ciia ham s6 trén doan [0; 2] ?

A @ -12. B. —4. C.2In2-6. D.In2-6.
Loi giai

TXDP: D=R

x=—In2¢ [0;2]

=2e"" —5¢"+2=0
ree ¢ d x=ln2e[0;2]

y(0)=—4;y(In2)=2In2-6;y(2) =€ -5’ +4.

Gid tri nho nhét cia ham s6 trén doan [0;2] bang 2In2-6 tai x=1In2.

Trong khong gian vé6i hé truc toa dd Oxyz , cho hinh hop chit nhat 4BCD.A'B'C'D’ ¢6 diém A
trung v6i gbe toa 46 O, diém B nam trén tia Ox , diém D nam trén tia Oy, diém A'nim trén
tia Oz.Biét AB=2,AD=4,44'=3. Goi toa dd ciia C' 1a (a;b;c) khi d6 biéu thirc a+b—c c6
gia tri 1a.

A. 4. B. 9. C.3. D. 6.

Loi giai
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G

Theo gia thiét co EZZ;; E:4};A—A'=3%;
Ap dung quy tic hinh hop ta c6: AC'=AB+AD+ AA'=2i+ 4}'+37€.

Do d6 diém C' c6 toa do 1a (243). Vay a+b—c=2+4-3=3

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

cau, thi sinh chon dung hoac sai.

Cho ham 6 y=""1 c6 dd thi (C).
x+1

2 .
()c+1)2

a) Pao ham ham sd 1a y'=
b) Tiém can ngang cta dd thi hamsd1a y=1.
¢) TAm ddi xtmg cua do thi ham s6 1a (1;-1).

d) VM €(C) tich khoang cach tir M dén céc dudng tiém cén bang 3.

Loi giai
| a)yPing | b)Ping | ¢)Sai | d)Sai |
a) Pling Pao ham ham s6 1a y'= 2 -
(x+1)

b) Ping Ti¢m cén ngang: y =1.

¢) Sai Tam dbi xung cua dd thi ham s6 (—1;1)

d)SaiGQiM(xo;yo)e(C):M(xO;l— 2 j
x, +1

Khoang cach tir M dén tiém can dung: d, = |x0 + 1| .

1—

Khoang cach tir M dén tiém can ngang: d,= |y0 —1| = -
X, +

: 1‘ - |x02+ 1| '

Vay d\d, =2.

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D’ cé A(I;O;l), B(2;l;2), D(l;—l;l),
D'(3;4;-6).

a) Toado AB=(1;1;1).
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b) Toa do C(2;1;2).
¢) Toa do A'(3;5;,—6)
d) Toa do trong tdm tam giac A'B'C la G(3; 4; —3)

Loi giai

| ayPing | b)Sai | oPing | d)Sai |

(a) Toa dd AB=(1;1;1).

Taco AB=(1; 1; 1).

Chon PUNG.

(b) Toa do C(2;1; 2).

Goi C(x;y;z)= DC=(x~1; y+1; z—1).

x-1=1 [x=2
Vi ABCD 1 hinh binh hanh <> DC = 4B < {y+1=1&1{y=0=C(2;0;2).
z—-1=1 z=2

Chon SAIL
(¢) Toa do A'(3;5;-6).
Tacé AD=(0; -1;0). Goi A'(x; y';2')=> AD' =(3-x"; 4=y, —6-2').

3-x'=0 x'=3
ADD'A’ 13 hinh binh hanh < A'D'=AD & 4—y' =—-1&1y'=5 = 4'(3;5-6).
-6-z'=0 z'=-6

Chon PUNG.

(d) Toa do trong tdm tam giac A'B'C 1a G(3; 4; -3).

Goi B'(xy; ¥y 20) = A'B'=(x,=3; ¥, = 5; 2, +6).
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x,—-3=1 x, =4
ABB'A’ 13 hinh binh hanh < A'B'= 4B &y, -5=11y,=6 = B'(4;6,-5).
z,+6=1 Zy=-5

_2+43+4

Xg 3 3

G 1a trong tam tam giac 4A'B'C = yG=O+5+6=%:>G(3;13—1;— j

3
2-6-5
3

=-3

ZG:

Chon SAI.
Mot nguoi diéu khién mot flycam & bia rimg dé phuc vu viéc khao sat qué trinh lam t6 ctia mot
loai chim. Ban dau flycam & vi tri nguoi diéu khién & bia rimng va bat dau di chuyén dén vi tri 4
cach vi tri diéu khién 500m vé phia nam va 680m vé phia dong, dong thoi cach mat dat 10m. Sau
do, flycam duoc diéu khién dén vi tri B cach vi tri diéu khién 900m vé phia bac va 450m vé phia
tay, dong thoi cach mat dat 15m.
Chon hé truc toa do Oxyz véi gbe O 1a vi tri diéu khién, mat phang (Oxy) tring véi mat dat,
truc Ox c6 hudng trung véi phia nam, truc Oy c6 hudng trung véi hudng dong, truc Oz
vudng goc mit dat hudng 1én bau troi, mdi don vi trén cac truc trong tmg véi 1m.
a) Toa dg cua flycam khi dang ¢ vitri 4 1a A(500;680;0).
b) Quing dudng flycam bay thing tir vi tri diéu khién dén vi tri 4 khoang 844m (lam tron két
qua dén hang don vi).
¢) Thoi gian bay thang tir vi tri 4 dén vi tri B 16n hon 4 phut, biét toc do bay duoc duy tri sudt
qua trinh tir 4 d&én B 1a 8m/s.
d) Sau khi khao sat vi tri B thi flycam chi du pin hoat dong trong 2 phut. Véi téc d6 8m/s thi
flycam van c6 thé quay vé vi tri diéu khién.
Loi giai
| a) Sai | b) Piling ‘ ¢) Sai ‘ d) Sai ‘

a) Sai.
Toa d9 cua flycam khi dang & vi tri 4 1a 4(500;680;10).
b) Dung.

Quéng duong ma flycam bay thing tir vi tri diéu khién dén vi tri 4 1a khoang cach
04 =/500%+ 680> +10° = 50:/285 ~ 844 m .

¢) Sai.

Toa dg cua flycam khi dang ¢ vitri B 1a B (—900; —450;15) . Quang duong cua flycam bay

théng tir vi tri A dénvitri B 13 4B =/(~900-500)’ +(-450-680)’ +(15-10)" ~1799,1m.
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1799,1

Thoi gian dé flycam bay thang tir vi tri 4 dén vi tri B khoang ~ 224,95 1a chua dén 4

phut.

d) Sai.

Quing dudng dé flycam bay thang tir vi tri B vé vi tri diéu khién 1a
OB = \/(—900)2 +(—450)2 +15° ~1006,3m.

1006,3

V6i tbe 40 8m/s thi thoi gian dé flycam quay vé vi tri diéu khién khoang ~125,8s. Do

6, flycam khong thé quay lai dung vi tri diéu khién duoc.
Béng 24 thong ké do am khong khi trung binh cac thang ndm 2021 tai Pa Lat va Viing Tau (don
vi: %).

Thing |
> dng | 2 3 4 5 6 | ] 9 10 11 12
Do am |

bia Lat 83 179 | 79 | 87 | 87 | 87 88 [ 89 | 90 | 91 | 88 8()‘
VingTau | 75 | 77 78 | 77 | 79| 79 | 81 | 79 | 81 | 83 | 80 ?'f‘

(Nguén: Nién giadm Thong ké 2021, NXB Thong ké, 2022)

Nguoi ta 1an luot ghép cac s6 liéu cuia Pa Lat, Viing Tau thanh mau sb liéu ghép nhém nhu sau:

ba Lat Viing Tau
Nhom Gia tri dai Tan so Nhom Gia tri dai Tan so
dién dién
[75;78,3) 76,65 0 [75;78,3) 76,65 5
[78,3;81.6) 79,95 2 [78,3;81.6) 79,95 6
[81,6;84,9) 83,25 1 [81,6;84,9) 83,25 1
[84,9;88,2) 86,55 6 [84,9;88,2) 86,55 0
[88,2;91,5) 89,85 3 [88,2;91,5) 89,85 0

a) Xét sb liéu & Pa Lat ta c6 khoang bién thién 1a 16,5

b) Xét s6 lidu & Viing Tau thi khoang t&r phan vi 1a 0,23 (1am tron két qua dén hang phan trim)
¢) Xét s6 liéu ¢ Pa Lat thi d6 1éch chuan ctia mau sb liéu ghép nhém 1a 3,28 (1am tron két qua
dén hang phan trim)

d) Pa Lat c6 nhiét d6 khong khi trung binh thang déng déu hon so véi & Viing Tau vi c6 do
léch chuén nho hon.

Loi giai
oPing | d)Sai |
a) Piing. Xét s6 liéu ¢ Pa Lat: Khoang bién thién 1a: R =91,5-75=16,5

| a)Ping | b)Sai

b) Sai. Xét s6 liéu ¢ Viing Tau:

+ S6 phan tir cila miu 1a n =12
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n
——(ml+...+mp_l)

, 3-0
Tt phan vi thir nhét 1a: O, =a, +| - -(ap+1—ap)=75+(Tj.3,3:76,98
P
Ta c6 tu phan vi thu ba la:
()
- 1 cos p_] 9_5
0=a,+ 4 ” -(ap+1—ap):75+(TJ.3,3=77,2

p

Khoang tr phan vi cia mau s6 lidu ghép nhom trén la: 0,-0,=177,2-76,98=0,22
¢) Puing. Xét s6 liéu ¢ Pa Lat:
+ S trung binh cong cia miu sb liéu ghép nhom 1a:

s 0.76,65+2.79,95+83,25+6.86,55+3.89,85
= =
12

86

Phuong sai ciia mau so liéu ghép nhom la:

o2 0(76,65-86)" +2(79,95-86)" + (83,25 -86)" +6(86,55-86)" +3(89,95-86)’

: > =10,7825
Do léch chuén ciua mau sd liéu ghép nhom la: s, = \/E =/10,7825 ~ 3,28
d) Sai. Xét sb liéu & Viing Tau:
+ 86 trung binh cong ciia mau sd liéu ghép nhom la: x_2 _276,65+ 6'1729’95 +83,25 _ 78,85
Phuong sai cia miu sb liéu ghép nhom la:
2o 5(76,65—78,85)" +6(79,95 —78,85)" +(83,25—78,85)° _ 4235

? 12
Do I¢ch chudn cila miu sé ligu ghép nhom 1a: s, = |52 = /4,235 ~ 2,06

Viing Tau ¢ nhiét 46 khong khi trung binh thang dong déu hon vi do 1éch chuin nhé hon.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau 1:

Cho ham s6 y =—x* +2x” +3 ¢6 gié tri cuc dai y ., va gia tri cuc tiéu y.,.. Gid tri 2y — Ver
bang bao nhiéu? (két qud lam tron dén hang don vi)
Loi giai
Tra loi: 5
Tap xéac dinh cia ham s 1a D=R.
x=-1
Tacd y'=—4x"+4x; y'=0<|x=0

x=1
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Cau 3:
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Lap bang bién thién cia ham so:

T —0o0 —1 0 1 +oc

Y + 0 - 0 + 0 -

N TN

Tir bang bién thién, ta co

Ham s6 dat cyc tiéu tai x=0 va y,, = y(0)=3.
Ham s6 dat cuc dai tai x=+1 va Vep = y(il) =4.

Vay 2yep —Yer =5.

Bang sau thong ké can ning cta 30 qua du du duoc lya chon ngiu nhién sau khi thu hoach ¢
vuon nha Lan.

Can nang (g) [750;800) [800;850) [850;900) [900;950) [950;1000)
S6 qua buoi 5 10 5 8 2
Khoang tir phan vi cia mau sd liéu ghép nhom trén 1a bao nhiéu? (két qud lam tron dén hang
don vi)

Loi gidi
Tra loi: 103
C& mau n=30
Gol x;5X,5...%, 1a sb can nang cua 30 qud du du thu hoach & vuong nha Lan dugc sép Xép theo
thir ty khong giam.
30

=5
Tt phan vi tht nht 1a O, =800+ 410 50=812,5

ﬂ_(5+10+5)

Té phén vi thtt nhét 1a O, =900 +—2 - 50 =915,625

Khoang tir phan vi cia mau sd liéu ghép nhom trén 1a A,=0,-0,=103

Mot siéu thi théng ké s tién (don vi: chuc nghin dong) ma 44 khach hang mua hang & siéu thi
do6 trong mot ngdy. S6 liéu dugc ghi lai trong Bang sau:
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Nhém Gia tri dai dién | Téin sb
[40; 45) 425 4
[45: 50) 475 14
[50; 55) 52.5 8
[55; 60) 57,5 10
[60; 65) 62.5 6
[65: 70) 67.5 2
n=44

Phuong sai ctia mau sb liéu ghép nhom trén 1a bang bao nhiéu? (két qud lam tron dén hang
phan chuc)

Loi giai
Tra loi: 46,1
S trung binh cong ctia mau s6 liéu ghép nhom duoc cho boi Bang 18 la:

4.42,5+14-47,5+8-52,5+10-57,5+6-62,5+2-67,5
44

f: == 53,2

Viy phuong sai ciia ciia mau s lidu ghép nhom duoc cho boi Bang 18 1a:

5> :41—4-[4-(42,5—53,2)2 +14-(47,5-53,2)> +8-(52,5-53,2)> +

10-(57,5-53,2)* +6-(62,5-53,2)° +2-(67,5—53,2)2]=%z46,1.

Trong khong gian v6i hé toa do Oxyz, cho hai diém A(-2;3;1) va B(5;6;2). Dudng thing 4B
< o < s g0 R ’ 2 A BM
cat mat phang (Oxz) tai diém M . Tinh ti s0 —.
AM
Loi giai
Tra loi: 2
Ta co
M e(Oxz)= M (x;0;z).
AB=(7;3;1)= 4B =+/59.
AM =(x+2;-3;z-1).
Vi duong thang 4B cit mdt phing (Oxz) tai diém M nén A,B,M thing hang

x+2=Tk x=-9
=AM =kAB (keR)<1-3=3k < 1-1=k = M(-9;0;0).
z—-1=k z=0
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BM =(-14;-6;-2);AM =(~7;-3;-1) = BM =24B.

Cau 5:  Co hai cay cot dung trén mat dét 1an lugt cao 1m va 4m, dinh cta hai cay cOt cach nhau 5m.
Ngudi ta can chon 1 vi tri trén miat dt (nim giita hai chan cot) dé giing day ndi dén hai dinh cot
dé trang tri nhu hinh bén duéi. Tinh d6 dai diy ngan nhat. (két qud lam tron dén hang phan tram)

B

[ e e e e

m

Loi giai

Tra loi: 6,40.

Pit CD=x (0<x<4)= DE=+5 -3 =4=CE=4-x.

= AC+BC =\x* +1+,(4-x) +16
Pt f(x)=Va® +1+4/(4-x) +16

Dé d¢ dai day ngén nhat khi £ (x) dat gié tri nhé nhét

4

. 4 ! : x=—e[0,4]
= + ;f(x)=0<:>15x +8x-16=0<

\/x2 +1 \/x2_8x+32 x=—i€[0;4]

Taco: f'(x)

Xét trén khoang [0;4]: f(0)=1+4\/§;f(4)=4+\/ﬁ;f(%]=\/ﬂ
Ham s y = f'(x) dat gid tri nho nhat tai x:%.

Vay d6 dai diy ngén nhét 1a v/41 ~ 6,40.

Cau 6: Co Lan la nguoi thich 1am nhiing gid hoa treo trong nha (nhu hinh bén dudi) c6 lam 1 gio hoa
treo bang 3 soi diy day mdi soi dai 60cm, miéng ké 1a mot miéng gd can ddi hinh tron ban kinh
20(cm), ba soi day duoc that mot dau bén trén va d gia gd tai 3 diém tao thanh tam giac déu.

Tinh khdi luong tdi da cta cac chau hoa dé day treo khong bi dut. Biét luc chiu dung cua mdi
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soi day bang nhau va mdi soi chiu khong qua 15N, trong luong ciia miéng gia gb 1a SN. Két

A 3
/ \‘\

qua 1am tron dén hang phan tram la

Loi giai

Tra loi: 3,82

B

Ta thay dau day va cac diém tiép xuc tao thanh mot hinh chop tam giac déu S.4BC (hinh
bén), co day 1a mot tam giac déu canh a.

Goi E latam cia tam gidc ABC = AE =r=20=> sin ASE = j? :%: COS@Z%
(vi gbc Z:S'E nhon).

Do F,, = F,,.cos ASE = F, <15i_10«f

SE —

Mit khac Fy, + Fy, + Fy. = 3Fy, = P =3F, <3.1082 = 3042

Khi d9, trong luong ctia cac chau hoa khong dugc vuot qua 30\/5 -5=37,43

Vay khdi luong bi da cua chau hoa la m < 3,82.
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PE ON TAP KIEM TRA CUOI HQC Ki 1
TOAN LOP 12 - PE SO 04

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 101 tir cdu 1 d&én cdu 12. Mdi cau hoi

Cau 1:

Cau 3:

Cau 4:

Cau 5:

thi sinh chi chon mot phuong an.
Cho ham s y = x.In x. Khang dinh nao sau ddy la ding?

A. Ham s6 dong bién trén (0;+). B. Ham sb nghich bién trén (0;1).
C. Ham s6 nghich bién trén (0;+0). D. Ham s6 dong bién trén (L;+00).
. X e ; 4x+3
Tiém can ngang cua do thi ham s6 y = al > la:
x p—
A. x=4. B. x=2. C. y=4. D. y=2.

Puong cong cho trong hinh bén 13 d6 thi cia ham s6 nao trong cac ham sb dudi day?
Ay

A.y=x2—2x+2' B.y=x2+x+l. C_y=x2_x+l, D.yz—xz—x—l
x+1 —x+1 —x+1 2x—1
Cho hinh lang try 4BC.A'B'C' pyt AA'=a AB=b AC=c Hay biéu dién vecto B'C theo

a,b,c?

A.B'C=-a-b+c. B.BC=-a+b-c. C.B'C=a+b+c. D.BC=a+b-c.

Cho ham s6 y = ax+b ¢ @6 thi nhu hinh v& bén dudi. Trong cac hé sé a, b, ¢ ¢ bao nhiéu
cx—
s6 duong?
y
0] 1 \ﬂc
-1
\_2
A. 0. B. 2. C.1. D. 3.
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Cau 6:

Cau 7:

Cau 8:

Cau 10:

Cau 11:

Cau 12:
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Dir 1i€u ve toc do cua 100 xe 0 t6 luu thong trén mot doan dudng cao toc vao gio cao diem, duoc
trich xuat tir camera cuia co quan canh sét giao thong. Hay tim khoang bién thién ctia mau sb liéu
(bang so li€u hinh bén dudi).

Téc do (km/h) | [60;70) | [70;80) | [80;90) | [90;100) | [100;110)
S6 xe 10 20 20 35 15
A. 50 km/h. B. 10 km/h . C.30km/h. D. 110 km/h .
Khao sat thoi gian tu hoc bai & nha ctia hoc sinh khdi 9 & truong X, ta thu dugc bang sau:
Thoi gian(phat) | [0;30) | [30;60) | [60;90) | [90;120) | [120;150)
S6 hoc sinh 9 10 9 15 7

Phuong sai cia miu sb liéu ghép nhom 1a
A. 1602. B. 1601,64 . C. 1601,9. D. 1603

b0 giam huyét ap cua mdt bénh nhan duogc cho boi cong thuc G (x) =0,035x" (15 - x) , trong do
x 14 liéu lwong thude duoc tiém cho bénh nhan (0<x<15). Tinh lidu luong thude can tiém

(don vi miligam) cho bénh nhan dé huyét ap giam nhiéu nhat.?

A. x=8. B. x=10. C.x=15. D. x=T7.
2

Biét d6 thi ham sb y:L);—l c6 tién can xién la duong théng y=ax+b.Tinh a+b.
x_

A. 4. B. 13. C.12. D. 7.

Trong khong gian véi hé toa 46 Oxyz cho hai diém 4 (-1;5;3) va M (2;1;—2). Tim toa do diém
B biét 4 @i xing voi Bqua M .

A. 3(1;3;1].
2 2

Cho hinh lang try ABC.A'B'C’, M 1 trung diém cua BB'.Khing dinh nao sau day dang?

B. B(—4;9;8). C. B(5;3,-7). D. B(5-3;-7).

A. AM = AC 244 . B.W:E+%H.
—— =3l —— s 3

C. AM=—AB+EAA . D. AM=2AB+§AA .

Trong khong gian véi hé tryc toa do Oxyz , cho hinh v& bén duéi véi diém B'(5;4;4). Hay xéc

dinh toa d6 vecto AC.

o' C
(]
1
1
1
i
A : B
:
e) c
Ppmmm e ———— e A o
£ y
A g s
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PHAN II Ciu tric nghiém diing sai. Thi sinh tra 1oi tir cdu 1 dén cau 4. Trong mdi y a), b), ¢), d) & mdi

Cau 1:

Cau 2:

cau, thi sinh chon diing hodc sai.

; 4
Chohamso y=x+—.
X

X 4
a) Dao ham ctia ham so dacho la y' =1+—.
X
b) Dao ham cia ham s6 di cho nhan gia tri am trén cac khoang (—2;0) u(0;2) va nhan gia tri
duong trén cac khoang (—o0;—2)U(2;+ ).

¢) Bang bién thién cua ham s6 da cho la:

x |- -2 0 2 + 00
y! + 0 - - 0 +
4 + o0 + o
- 00 — o0 _4

d) D6 thi ham s6 da cho nhu ¢ hinh 4:

Hinh 4

Cho ham s6 y = x* —3x> —9x+1. Xét tinh dung sai cta cac khang dinh sau:
a) Do thi ham sé cit truc tung tai diém c6 tung do bang 1.

b) Ham s6 nghich bién trén khoang (4;7).
¢) Ham sé dat gia tri 16n nhat trén doan [—2; 3] bang —1.

d) S6 cuc tri ctia ham s6 y = |x3 -3x° —9x+1| 1a s.
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Cau 3:

Cau 4:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Hai khinh khi cau bay 1én tir ciing mot dia diém. Sau 30 phit, chiéc thir nht cach diém xuat phat
3 km vé phia nam va 1,5 km vé phia dong, dong thoi cach miat dat 0,8 km. Chiéc thir hai ndm
cach diém xuat phat 2 km vé phia bic va 2 km vé phia tdy, dong thoi cach mat dat 0,4 km. Gia
str khinh khi cau chuyén dong theo dudng thang véi van toc khong doi.

Chon hé truc Oxyz véi gbc O dit tai diém xuat phat cua hai khinh khi ciu, mat phang ( Oxy)
tring voi mat dat voi truc Ox hudng vé phia nam, truc Oy hudng vé phia dong va truc Oz

huéng thang dimg 1én troi (Hinh bén duéi), don vi do 13y theo kilomet.

,
Bae .7

Dong
a) Vi hé toa do da chon, toa do khinh khi cu thir nhét sau 30 phut 1a (3; 1,5; 0,8).

b) Quing duong khinh khi cau thi nhét di duoc sau 30 phit 1a 3,44 km (Két qua 1am tron dén
chit s6 thap phan thir hai).

¢) Quang dudng khinh khi cau thir hai di dugc sau 30 phuat 1a 2,86 km (Két qua lam tron dén chir
s6 thap phan tht hai).

d) Khoang céach giira hai khinh khi cau sau khi di dwoc 30 phut 14 6,11 km (Két qua lam tron dén
chir s6 thap phan thir hai).

Thoi gian hoan thanh bai kiém tra mén Toan ctia cac hoc sinh 16p 12A va 12B duoc ghi lai ¢
bang sau:

Thoi gian (phiit) [25; 30) [30; 35) [35;40) | [40;45)
S6 hoc sinh 16p 12A 7 16 15 4
S6 hoc sinh 16p 12B 5 14 17 6

a) Khoang bién thién cho thoi gian hoan thanh bai kiém tra mon Toan ctia hoc sinh mdi 16p 1a
20.

b) Khoang tt phan vi cia mau s6 liéu ghép nhom vé thoi gian hoan thanh bai kiém tra mén Toan
ctia hoc sinh 16p 12A 1a 7,78 (két qua lam tron dén hang phan tram).

¢) Phuong sai ciia mau s6 liéu ghép nhom vé thoi gian hoan thanh bai kiém tra mon Toan cua
hoc sinh 16p 12B 1a 19,22 (két qua 1am tron dén hang phan tram).

d) Néu so sanh theo do 1éch chuin ctiia mau sb liéu ghép nhom thi hoc sinh 16p 12A ¢c6 tde do
hoan thanh bai kiém tra mén Toan dong déu hon 16p 12B.
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PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Céu1: Trong khong gian Oxyz , cho hai diém 4(3;-1;2), B(1;2;3). Toa do giao diém E(a;b;c) cua
dudng thang AB voi mit phang toa do (Oxy). Tinh 2a+b+c

Cau2: Két qua diéu tra vé sb gid lam thém trong mot tun cua 100 sinh vién dugc cho ¢ biéu dd bén.

So gi& lam thém trong mot tuan

cuasinhv

Tim khoang t&r phan vi cta sb liéu d6. (két qud lam tron dén hang phan trdam)

Cau3: Cho hinh hgp ABCD.A'B'C'D'. Gia st diem M thuoc AC, diém N thudoc DC' va
AM =xAC,DN = yDC', dat BA=a,BC=b,BB'=¢. C6 mdt cap (x;y) sao cho MN || BD',
khi d6 tinh biéu thic T =x+y

CAud:  Véi hé truc toa do Oxyzsao cho O nam trén mdt nude, mat phiang (Oxy)la mit nudc, truc Oz
hudéng [én trén (don vi do: mét), mdt con chim boi cd dang & vi tri cach mat nudc 2,5m, cach
mit phing (Oxz), (Oyz) lan luot 13 5m va 3m phong thing xudng vi tri con c4, biét con ca cach
mat nudc 90cm va cach mit phing (Oxz), (Oyz) lan luot 14 4m va 3,5 m. Biét toa do diém
B(x;y;z) 1a lic chim boi ¢4 vira tiép xtc véi mit nude. Tinh tong x + y +z (két qua ldy tron dén

hang phan triam).

Cau5: Goi 4, B 1ahai diém cuc tri cua dd thi ham sb f(x)=¢*—5¢" +2x+1. Tinh dién tich cua tam

gidc OAB . Két qua 1am tron dén hang phan tram.
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CAu 6: Nhitng cin nha gb trong Hinh 1 dugc phac thao dudi dang mot hinh ling try ding tam giac
OAB.O'A'B' nhu trong Hinh 2. Vi hé truc toa &6 Oxyz thé hién nhu Hinh 2 (don vi do ly theo
centimét), hai diém 4’ va B’ ¢6 toa do lan luot 1a (240;450;0) va (120;450;300). Mdi cin nha
gd co chiéu dai 1a a cm, chiéu rong 1a hecm, mdi canh bén cua mit tién c6 d6 dai 1a cocm. Tinh
a+b+c (Lam tron dén hang don vi).

Hinh 1 Hinh 2
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HUONG DAN GIAI CHI TIET
PHAN 1. Ciu tric nghiém nhiéu phwong an lwa chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon mgt phuong an.
Caul: Chohamsd y = x.Inx. Khang dinh nio sau day la ding?

A. Ham s6 dong bién trén (0;+). B. Ham s6 nghich bién trén (0;1).
C. Ham s0 nghich bién trén (0;+). D. _
Loi giai

Tap xac dinh: D = (O; +oo) .

Tacd: y'=Inx+1

yV=0sx= 1 .
e
Ta c6 bang bién thién ciia ham s6 nhu sau:
1
x V0 e +00
"V _
y % 0 +

| hd

Tur bang bién thién ta thdy ham s6 dong bién trén (1;+00).

AN

Cau 2: Tiém can ngang cua dd thi ham s y= tx+23 la:
A. x=4. B. x=2. C.y=4. D. y=2.
Loi gidi
Chogn C
Taco lim y= lim(4x+3j=4 va lim y= lim (4“3):4
voto” x|y —2 voew”  xoem| x—2

Vay y =41atiém can ngang cua dd thi ham s da cho.

Cau3: Duodng cong cho trong hinh bén 13 d6 thi ctia ham s6 nao trong cac ham sé dudi day?
y

2 2 2
A_y:ﬂ, B.y:LxH_ C D.y:x_xl,
x+1 —x+1 2x—1

Loi giai
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D06 thi ham s0 ¢ ti€ém cén ding x =1 nén loai A,D.
Do thi ham s0 ¢ ti€ém cén xién y =—x nén loai B.

CAu4: Cho hinh ling try ABC.A'B'C' pgt AA'=a AB=b AC=c Hay biéu dién vecto B'C theo

- - —

a,b,c?

Vi BB'C'C 1a hinh binh hanh nén=> B'C = B'C' + BB = BC — AA'

=—AA"+ BA+ AC=-AA'— AB+ AC =—a—b+c.

Cau5: Chohamsé y= ax+b ¢ d6 thi nhu hinh v& bén dudi. Trong cac hé sé a, b, ¢ ¢ bao nhiéu
cx—
s6 duong?
y
0] 1 \ﬂc
-1
\_2
A. 0. B. 2! C.1. D. 3.

Loi giai

Tiém can ding: x:l=1<:>c:1
c

A A a
Tiém canngang: y=—=-1<a=-—c=a=-1
c

Db thi cit truc hoanh tai diém c6 hoanh 40 x =2 nén 2a+b=0 hay b=-2a=2.
Vay c¢6 hai s6 duong.
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Cau 6:

Cau 7:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Dir 1i€u ve toc do cua 100 xe 0 t6 luu thong trén mot doan dudng cao toc vao gio cao diem, duoc
trich xuat tir camera cuia co quan canh sét giao thong. Hay tim khoang bién thién ctia mau so liéu
(bang so li€u hinh bén dudi).

Téc do (km/h) | [60;70) | [70;80) | [80;90) | [90;100) | [100;110)
S0 xe 10 20 20 35 15
A. 50 km/h. B. 10 km/h. C. 30 km/h. D. 110 km/h.
Loi giai

Taco u,,, =110 va u, =60

Khoang bién thién R=u,_, —u, =110-60 =50 km/h.

Khao sat thoi gian tu hoc bai & nha ctia hoc sinh khéi 9 & truong X, ta thu dugc bang sau:

Thoi gian(phat) | [0;30) | [30;60) | [60;90) | [90;120) | [120;150)
S6 hoc sinh 9 10 9 15 7
Phuong sai ctia mau sd liéu ghép nhom 1a
A. 1602. B. 1601,64 . C. 1601,9. D. 1603.
Loi giai
Thoi gian(phut) | [0;30) | [30;60) | [60;90) | [90;120) | [120;150)
Gi4 tri dai dién 15 45 75 105 135
S0 hoc sinh 9 10 9 15 7
Thoi gian trung binh ty hoc & nha ctia cdc em hoc sinh do la:
%= 9.15+10.45+9.75+15.105+7.135 _ 75,6(ph1'1t).

50
Phuong sai ctia miu sb kiéu ghép nhom 1a
S? = %(9.152 +10.45” +9.75> +15.105* +7.135” ) = 75,6” =1601,64
b0 giam huyét ap cua mdt bénh nhan duogc cho boi cong thuc G (x) =0,035x> (15 - x) , trong do

x 14 liéu lwong thube duoc tiém cho bénh nhan (0<x<15). Tinh lidu luong thude can tiém

(don vi miligam) cho bénh nhan dé huyét ap giam nhiéu nhat.?

A. x=8. B. x=10. C.x=15. D. x=7.
Loi giai
G'(x) =1,05x—-0,105x"
G'(x)=0<:>x:0vx:10
x |0 10 15
G'(x) + 0 -
G".'ﬂ
G(‘u} u/ ‘\ 0
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Vay dé bénh nhan d6 c6 huyét ap giam nhiéu nhét thi lidu lugng thude can tiém vao 1a
x=10(mg).

2
N U . +4x+1 ) . .
Biét d6 thi ham s6 y = % 6 tién can xién la duong thang y=ax+b. Tinh a+b.
x_
A. 4. B. 13. C.12. D. 7.
Loi giai

y=x+6+
Chia tir thirc cho mau thtc ta dugc 3 e — Tiém cén xién cua d6 thi ham sd 1a

lim =0

x—>Fw X — 2

duong thang c6 phuong trinh y=x+6 nén a+b=7.
Trong khong gian vé6i hé toa 46 Oxyz cho hai diém 4 (-1;5;3) va M (2;1;—2). Tim toa do diém
B biét 4 dbi xing véi B qua M .

A. B(%;S;%) B. B(~4;9;8). C. B(53,-7). D. B(5-3-7).
Loi giai
Gid st B(xp;5552,).
Vi M 14 trung diém cta 4B nén ta co:
xM:xA+xB 2:—l+xB
2 5 2 x, =5
M:%@ 1:% 4y, =-3. Vay B(5,-3-7).
Z,+z, 3+z, zp=—7
Z, =——" -2 =
2 2

Cho hinh lang try ABC.A'B'C’, M 1 trung diém cua BB'.Khing dinh nao sau day dang?

C. AM =-AB+ 44 D. AM =245+ A4
Loi giai
Ta c6: AM = AB+ BM = A+ B = 4B+ A4’
Trong khong gian véi hé truc toa dd Oxyz , cho hinh v& bén duéi véi diém B'(5;4;4) . Hay xéc

dinh toa d¢ vecto AC.
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o' C
A i B’
jo i 1l i CREREN
y
'y o A
A. AC=(5:-4:4). B.AC=(5:4:4). C.AC=(-5:4:0). D.[HC=(5:4-4)!
Loi gidi

Vi A’ 1a hinh chiéu cua diém B’ 1én (Oxz) nén A4'(5;0;4).
Vi C 1a hinh chiéu cua diém B’ 1én Oy nén C(0;4;0).
Suy ra toa do ctia vecto A'C = (=5:4;-4).

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10 tir cdu 1 d&én cdu 4. Trong mdi ¥ a), b), ¢), d) & mbi
cau, thi sinh chon ding hodc sai.

Cau1: Cho ham s y:x+i.
X

, 4
a) Dao ham ctia ham so dacho la y'=1+—-.
X
b) Dao ham cua ham sb da cho nhén gié tri am trén cac khoang (—2;0)w(0;2) va nhén gié tri
duong trén cac khoang (—o0;—2)U(2;+ ).

¢) Bang bién thién ctia ham sb d cho la:

x |—oo -2 0 2 +ao
y! + 0 — - 0 +
4 + a0 + o0
- —a0 =4

d) 6 thi ham s6 di cho nhu ¢ hinh 4:
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Loi giai:

| a)Sai | b)Ping | oSai | d)Ding

. \ 5 \ A 3~ \ 4 A A A .
a) Sai Dao ham ctia ham s6 di cho 1a y" =1—— nén ménh d¢ sai.
X

x>2

, ] 4 A \ 5 \ A ~ A .7 [N A
b) bung y'=1-—>0& { ,x# 0 nén dao ham cua ham s6 da cho nhan gié tri &m trén
X

x<-2
cac khoang (—2;0)U(0;2) va nhan gia tri dwong trén cac khoang (—o0;—2)U(2;+0).

¢) Sai Bang bién thién ctia ham s6 da cho 1a:

x | —-w -2 0 -2 +a
y! + 0 - - 0 +
4 + oo + a0
— Q0 — _4

Ménh d@ sai vi thiy y(-2)=—4=4

d) Pung D6 thi ham sé di cho nhu ¢ hinh 4, ménh dé dung

Hinh 4

Ciu2: Chohamsb y=x’—3x’—9x+1.Xét tinh dung sai cia cac khang dinh sau:

a) Do thi ham sé cit truc tung tai diém c6 tung do bang 1.

Page 12

Swu tam va bién soan



DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
b) Ham s6 nghich bién trén khoang (4;7) .
¢) Ham s dat gia tri 16n nhét trén doan [—2; 3] bang —1.
d) S6 cyc tri cia ham s y = |x3 —3x* —9x + 1| 1as.

Loi gidi
| a) DPung | b) Sai ‘ ¢) Sai ‘ d) Pung

a) bung. Ta co: [ (O) =1. Vay d6 thi ham sb cét truc tung tai diém c6 tung d6 bang 1 1a dung.

b) Sai. Ta cé: ' =3x" —6x-9.

J4 2 2 -x=3:y=_26
Xét Y=0=23x"-6x-9=0< .
x=—l=y=6
Bang bién thién:
X | -0 -1 3 +00
V' + 0 —~ 0 +
/ 6\ / +00
y
=26

Ham s6 ddng bién trén céc khoang (—o0;—1) va (3;+0) va nghich bién trén khoang (—1;3) .
Do d6 ham sb nghich bién trén khoang (4;7) 1a sai.

¢) Sai. Ta c6 f(-2)=-1; f(-1)=6; f(3)=-26 nén ham s dat gi4 trj 16n nhat trén doan

[—2;3] béng 6, tai x = —1nén cau nay sai.

d) Puing. S6 cuc tri ciia ham s6 y = |x3 —3x" —9x+ 1| 1a bang tong sb giao diém ciia do thi ham
sb véi truc hoanh va sd cuc tri cia ham sé.

Ttr bbt ta thdy do thi ham s ¢6 2 cuc tri va cét truc hoanh tai 3 diém phan biét khac 2 cyc tri do.
Vay sb cuc trj can tim 1a 5. Do d6 cu nay dung.

Hai khinh khi cau bay Ién tir cing mot dja diém. Sau 30 pht, chiéc thtr nhat cach diém xudt phat
3 km vé phia nam va 1,5 km vé phia dong, dong thoi cach mat dat 0,8 km. Chiéc thir hai nam
cach diém xuét phat 2 km vé phia bac va 2 km vé phia tay, dong thoi cach mat dat 0,4 km . Gia
sir khinh khi cau chuyén dong theo duong thing vai van tde khong doi.

Chon hé truc Oxyz voéi géc O dit tai diém xuét phat cta hai khinh khi cAu, mat phéng (Oxy)
tring voi mat dat véi truc Ox hudng vé phia nam, truc Oy huéng vé phia déng va truc Oz

hudng thing dimg 1én troi (Hinh bén dudi), don vi do 1dy theo kilomet.

Page 13

Swu tam va bién soan



Cau 4:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

z

™ Tay
A

.
Bac .7

a) V6i hé toa d da chon, toa dd khinh khi cAu thir nhét sau 30 phut 1a (3; 1,5; 0,8).

b) Quing dudng khinh khi cau thi nhat di duoc sau 30 phut 1a 3,44 km (Két qua 1am tron dén
chir s6 thap phan thir hai).

¢) Quing duong khinh khi cau thir hai di duoc sau 30 phat 14 2,86 km (Két qua 1am tron dén chir
s6 thap phén tht hai).

d) Khoang cach gitra hai khinh khi cau sau khi di dwgc 30 phat 13 6,11 km (Két qua lam tron dén
chit s6 thap phan thir hai).
Loi giai

¢) bung ‘

| a)Ping [ b)Sai | d)Sai |

a) bung
Chiéc khinh khi cau thir nhat c6 toa d6 1a (3; 1,5; 0,8).

b) Sai

Quéing duong khinh khi cAu thit nhét di dugc sau 30 phit 1a /3? +1,5> +0,8” ~ 3,45( km)
c) bing

Chiéc khinh khi cau thir hai c6 toa do 1a (-2;-2;0,4).

Quéing dudng khinh khi céu thir hai di duoe sau 30 phit Iay/(<2)’ +(=2)" +0,4° ~2,86( km)

d) Sai

Khoang khinh khi ciu sau khi di

JB+2)? +(1,5+2)> +(0,8-0,4)> = 6,12(km).

cach gilta hai dugc 30 phat la

Thoi gian hoan thanh bai kiém tra mén Toan cia cac hoc sinh 16p 12A va 12B duoc ghi lai &
bang sau:

Thoi gian (phit) [25; 30) [30;35) | [35;40) | [40;45)

S6 hoc sinh 16p 12A 7 16 15 4
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S6 hoc sinh 16p 12B 5 14 17

*

a) Khoang bién thién cho thoi gian hoan thanh bai kiém tra mén Toan ctia hoc sinh mdi 16p 1a
20.
b) Khoang tt phan vi ciia mau s6 liéu ghép nhom vé thoi gian hoan thanh bai kiém tra mén Toan
ctia hoc sinh 16p 12A 14 7,78 (két qua lam tron dén hang phan tram).
¢) Phuong sai ctia mau s6 liéu ghép nhom vé thoi gian hoan thanh bai kiém tra mon Toan cua
hoc sinh 16p 12B 1a 19,22 (két qua 1am tron dén hang phan tram).
d) Néu so sanh theo do 1éch chuan ctia mau sb liéu ghép nhom thi hoc sinh 16p 12A c6 tde do
hoan thanh bai kiém tra mén Toan dong déu hon 16p 12B.
Loi giai
| a)Ping | b)Sai | c¢)Ping | d)Ping

a) ban
I()hoénggbién thién cho thoi gian hoan thanh bai kiém tra mén Toan cua hoc sinh mdi 16p 1a
45-25=20.
b) Sai
Xét mau s lidu cua hoc sinh 16p 12A:
Golt x;5x,;...5x,, 1a mau sb liéu géc vé thoi gian hoan thanh bai kiém tra mon Toén cta hoc sinh
16p 12A dugc xép theo thu ty khong giam.
Tt phan vi thtr nhét ctia mau s6 liéu goc 1a x,, e [30;35). Do d6, tu phan vi thir nhét ciia mau sb
liéu ghép nhém vé thoi gian hoan thanh bai kiém tra mon Toan cta hoc sinh 16p 12A 1a:

42

i
4 995

=30+ 35-30)=—=
9 16 ( ) 32

T phan vi thir ba ciia mau s liéu goc 1a x,, €[35;40). Do d6, tir phan vi thir ba ciia mAu s liéu
ghép nhom vé thoi gian hoan thanh bai kiém tra mon Toan cta hoc sinh 16p 12A la:
3.42

== —(7+16)
4 227
=35+ (40-35)="—

Khoang tir phan vi cia mau s6 liéu ghép nhom vé thoi gian hoan thanh bai kiém tra mén Toan

cua hoc sinh 16p 12A1a: A, =0, -0, =%—%z 6,74

¢) Pung
Xét mau sb liéu caa 16p 12B:
S trung binh ciia mau s6 liéu ghép nhom la:

 _527,5+1432,5+17.37,5+642,5 _ 495
’ 42 14

Phuong sai cia mau s0 liéu ghép nhom la:
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sy = %(5.27,52 +14.32,5* +17.37,5° + 6.42,52)—(%j2 ~19,22
d) Pung

Xét mau s6 lidu caa 16p 12A:

S6 trung binh ctia mu s6 liéu ghép nhom 1a:

~_727,5+1632,5+1537,5+4.42,5 _ 1445
1 42 42

Phuong sai cia mau s0 liéu ghép nhom la:

2
s2=i(7.27,52+16.32,52+15.37,52+4.42,52)— 1445 ~18,99
42 42

1
P 1éch chuén clia mAu s6 ligu ghép nhom ciia 16p 12A 1a: 5, =[s7 ~ /18,99 ~ 4,36

D6 léch chuan ctia mau s6 liéu ghép nhém cia 16p 12B 1a: S, = \/3 ~ /19,22 = 4,38

Vi s, > 5, nén néu so sanh theo d6 1éch chuén thi hoc sinh 16p 12A ¢o tdc d6 hoan thanh bai kiém

tra mon Toan dong déu hon 16p 12B.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Trong khong gian Oxyz , cho hai diém 4(3;-1;2), B(1;2;3). Toa do giao diém E(a;b;c) cua
dudng thang AB voéi mit phang toa do (Oxy). Tinh 2a+b+c

Loi giai
Tra loi: 7

Vi E thudc mit phing Oxy nén toa do diém E = (x;:0)

Ta co ZE:(X—3;y+1;—2) ma A,B,E théng hang nén hai vecto E(—2;3;1);E cung
phuong, do do:

x-3=-2k x=17
AE=kAB < {y+1=3k <{k=-2.Vay E(7;-7;0)

2=k y==1

=2a+b+c=7
Két qua diéu tra vé s6 gio 1am thém trong mot tuan ctia 100 sinh vién dugc cho & biéu dd bén.

Page 16

Swu tam va bién soan
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Sé gio Iz

Tim khoang t&r phan vi cta sb liéu d6. (két qud lam tron dén hang phan trdam)
Loi giai
Tra loi: 3,27
Tir mau s6 liéu ghép nhom, ta c¢6 bang thong ké sb gio 1am thém trong mot tuan ctia 100 sinh
vién nhu sau:

S6 gio lam thém [2;4) [4;6) [6;8) [8;10) [10;12)
S6 glor'lar‘r} thém 3 5 7 9 "
dai dién
S sinh vién 12 20 37 21 10

C& mau n=100.

Gol x;5x,;...;%,4, 12 mau so li€u dugc xép theo thur ty khong giam.
T U ST 1
T phan vi thir hai cua day so liéu x,;x,;...;X,,, 12 E(XSO +X5,) .

2-;00_32
——.(8-6)~6,97.
3786

Do x,, va x;, thudc nhom [6;8) nén O, =6+

7 A : r A ; ~ A 1:A N 1 N A 7
T phéan vi thir nhat cua day so6 liéu x;x,;...;x,,, 12 E(XZS +X,5). Do x,5 va x,; thugc nhom

1.100
[4;6) nén O, =4+

~12
(6-4)=5,3.

U ST 1 : N
T phan vi thit ba cua ddy s6 liéu x,;x,;...; X,y 12 E(x75 +x,5 ). Do x;5 va x,; thudc nhom

3100

[8;10) nén O, :8+4T-(10—8) ~8,57.

Khoang tr phan vi la AQ =0, -0, =8,57-5,3=3,27

Cho hinh hop ABCD.A'B'C'D'. Gia st diém M thuéc AC, diém N thuéc DC' va
AM =xAC,DN = yDC', it BA=a,BC =b,BB =¢. C6 mdt cip (x;») sao cho MN || BD',
khi d6 tinh biéu thirc 7= x+ y

Loi giai
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A’ D'
1 //
1 7’
1 ’ //
B’ : c_
1 /,
! P
|
- i
1
¢ L N
r’ .
A g
7 1
S N [ttt D
//’a \\' .
4 M >~
-
B N C

—

Taco: BA=d, BC=b, BB'=¢.
Khi d6, theo quy tic hinh hop ta co: BD' =G+b+¢C.
Tacoé: MN = BN —BM .

Tu ﬁv=yl)—C;,ta co ﬁ—ﬁ:y(ﬁ—@), suy ra:

BN—(5+5)=y(5+5—a—5).

Tu m=xA—C", suy ra W—ﬂ:x(B—Cz—ﬂ).

Vay W—5=x(5—c_i):>w:(l—x)c_i+xl;.

W:W—W=(1—y)c_z'+l;+y5—(1—x)[i—xl;
:(x—y)c_i+(1—x)5+y5.

Diéu kién @& MN || BD' 1a MN = kBD' hay
(x—y)c_i+(l—x)1;+y5:k(c_i+1;+5)
(x=y)a+(1-x)b+ye =kd+kb+ké (¥)

Do @,b,¢ khong cuing phuong nén tir (*) suy ra:

k=x-y x=2y=0
k=1-x & {x+y=1 @(x;y;k)Z(—;—;—j-
k=y k=y

. 2 1
Vay biéu thuc T:x+y=§+§=1.

Swu tam va bién soan
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Cau 4:

Cau 5:
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Véi h¢ truc toa dd Oxyz sao cho O nidm trén mit nude, mit phang (Oxy)1a mat nude, truc Oz
hudng 1én trén (don vi do: mét), mot con chim boéi ca dang ¢ vi tri cach mat nude 2,5m, cach
mit phang (Oxz), (Oyz) 1an lugt1a 5m va 3m phéng thang xudng vi tri con c4, biét con cé cach
mit nudc 90cm va cach mat phing (Oxz), (Oyz) lan luot 14 4m va 3,5 m. Biét toa do diém
B(x;y;z) la lac chim boi ca vira tiép xtc voi mat nue. Tinh tong x + y +z (két qua ldy tron dén

hang phan tram).

Loi giai

Tra loi: 9,39

Theo bai ta c6 C(3;5;2,5) va A4(3,5;4;-0,9)
Diém B(x;y;z)e(Oxy) =z=0
AC=(-0,5;1;3,4), AB=(x~-3,5;y-4;0,9)

p=24
x—-3,5=-0,5k )
-2 2 \ A T TR 29 29 70
Do ba diém 4,B,C thang hang nén AB=kAC <<y-4=k = ¥=1g =B 590
0,9=3,4k 70
"7

Vay x+y+z=%z9,39.

Goi 4, B 14 hai diém cyc tri ctia @b thi ham s f (x)=¢* —5¢" +2x+1. Tinh dién tich cia tam
gidc OAB . Két qua lam tron dén hang phan tram.
Loi giai

Tra loi: 2,17
Tap xac dinh D=R.
Dao ham: f'(x)=2¢” —5¢* +2 =0, suy ra nghiém nhu sau:

1 -5
e’ =Ec>x=—ln2 :>y=7—21n2;

=2 x=n2=y=-54+2In2.

Hai diém cyc tri 1 A(—ln2;_75—2ln2j va B(In2;-5+2In2).

Ta co 521z(—1n2;_75—21n2j va 073=(1n2;—5+21n2).
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Dién tich tam gidc OAB 1a S = %|@ X @| = %ln 2~2,17 (don vi dién tich).

Céch khac tinh dién tich tam giac OAB nhu sau:

Ta co OA=\/51n22+f—2+51n2 ~?2,72589; OB =+/5In°2+25-201n2 ~3,67958;

AB=\/201n22+21—265—301n2 ~1,69621.

Cong thire Herong: S =/p(p-a)(p-b)(p—c) =2,17.

Nhitng cin nha g trong Hinh I dugc phac thio dudi dang mot hinh ling try ding tam giac
OAB.O'A'B' nhu trong Hinh 2. Vi hé truc toa d0 Oxyz thé hién nhu Hinh 2 (don vi do 1ay theo
centimét), hai diém 4’ va B’ ¢6 toa do lan luot 1a (240;450;0) va (120;450;300). Mdi cin nha

g0 c0 chiéu dai la a cm, chiéu rdng 1a Hcm, moi canh bén cua mat tién c6 do dai la ccm. Tinh
a+b+c (Lam tron dén hang don vi).

Loi giai

Tra loi: 1013

Vidiém A’ c6 toa do la (240;450;0) nén khoang cach tir 4’ dén cac truc Ox,Oy lan luot 12
450cm va 240cm.

= A'A=450cm va A'O'=240cm.

Tir gia thiét suy ra A'B’ =(-120;0;300),

Dodé A'B = |ﬁ| = J(~120)> + 0> +300> = 60+/29 ~ 323(cm).

Vi 00=A'4=450cm va O' nam trén truc Oy nén toa do cua diém O’ 1a (0;450;0).

Do ds O'B'=(120;0;300) va O'B'=[0'B'|=/120* +07 +300” = 6029 ~ 323 (cm).

Vay moi can nha go c6 chiéu dai la 450cm , chiéu rong 1a 240cm , moi canh bén ciia mat tién
c6 d0 dai la 323 cm.

=a+b+c=1013.
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PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 05

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi

thi sinh chi chon mgt phuwong an.

Caul: Goi M,m lan luot 1a gia tri 16n nhat va gia tri nho nhat cia ham sb y = al T trén doan [O; 2].
X
Tinh M +m.
A, 2. B. -3. C.2. D. 0.
Chu2: Chohamsd y= f(x)co bang bién thién nhu sau:
X —00 -1 -1 1 2 3 +00
v R R R R
7 15 15 +00
-1 —00 -5
Do thi ham sb da cho ¢6 bao nhiéu duong tiém can ding va ti€ém cén ngang?
Al B.3 C.2 D. 4
Cau 3: Cho hinh hop ABCD.EFGH . Khi d¢6 véc to AB-FG 1a
A D
B + !
| C
|
|
LA
F = G
A. BD. B. AE. C. DB. D. BH .
Cau4: Ham sb nao dudi ddy co do thi dang nhu dudng cong trong hinh bén dudi?
A
[ ° i
A.y=2"-32z+1. B.y=2"—32"+1. C.y:2x+1. D.y=—2’+3z+1.
41
Cau 5:  Trong khong gian véi hé truc toa d0 Oxyz, cho ba diém A(—l;—l;3) , B(O; 2;0) va C(S;—2;1).
Tim toa do ctia diém D sao cho tir gidc ABCD 1a hinh binh hanh
A. (—4-54). B. (4,-5;4). C. (4,5,-4). D. (-4;-5,—4).
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cho ham s6 y = f(x) c6 d6 thi nhu hinh v&. Piém cuc dai ctia do thi ham s6 la:

Ay

Y S B

A x=2. B. x=0. C.(2;-3). D. (0;1).

Trung tAm ngoai ngir thong ké bang diém mon Tiéng Anh ctia mot khoa hoc trong bang bén dudi:
biem | [0;2) | [2:4) | [4:6) | [6;8) | [8;10)
Hocviéen| 10 | 30 | 55 | 42 9

Khoang tr phan vi cia mau s6 liéu ghép nhom nay 1a

A. 2,92. B. 2,93. C. 3,92. D. 3,93.

Két qua khao sat thoi gian str dung lién tuc (don vi: gid) tir lic sac day cho dén khi hét cia pin
mot s6 may vi tinh cung loai dwgc mo ta bang biéu dd bén.

Thai gian siv dung pin ciia mjt s6 may vi tinh
S6 may

e A

vi tinh

hE

7+
61+

LR

tad

0

Thot gian

7274 76 78 8.0
(gio)
Hay xac dinh s6 trung binh cua thoi gian sir dung pin.
A B B. 2. c.2. p. 2.
3 3 5 10

\ £ x> +3x A 31 A . X i1s 1o £ 1+

Cho hamso y = T Toa d6 diem cuc dai ciia do thi ham so la
x p—

A. (-11). B. (2;10). C. (3;9). D. (-3;0).

Mot loai vi khudn dugc tiém mot loai thude kich thich sy sinh san. Sau t phut, s6 vi khuan duoc
xac dinh theo cong thire N(¢) =1000+30¢* — ¢ (0 < ¢ <30). Hoi sau bao gidy thi s vi khuan 16n
nhat?

A. 20. B. 10. C. 1200. D. 1100.
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Céu 11: Cho tam giac ABCco A(1;1;1), B(-1;2;3) va C(3;2;1). Goi M la diém thudc dudng thang
BC sao cho BM =2BC . Pé BMDA 1a hinh binh hanh thi toa d6 D 1a
A. D(-9;1;-3). B. D(9;1;3). C. D(9;-1;-3). D. D(9;1;-3).
Chu 12: Trong khong gian véi hé toa do Oxyz , cho hai diém A(-2;3;1) va B(5;6;2). Duong thing AB

ct mit phing (Oxz) tai diém M . Tinh ti s %—;

AT . M_, c.MA_1 p. MA_5
MB 2 MB MB 3 MB
PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.
2
. -x-1__.
Caul: Chohamso y= % khi do.

D

a) Ham s6 dong bién trén khoang (5;+).

b) Ham s dat gia tri 16n nhét trong khoang (—o; 2) lamax f(x)=5.

(-o=;2)
¢) Ham s6 c6 tiém can xién: y=x—1.
d) Do thi ham sb cit truc Oy tai M. Phuong trinh tiép tuyén ctia dd thi ham s6 tai M 1a
3x-4y+2=0

Oxyz A(4;2;-1),B(1;—-1;2) va C(0;-2;3) ‘

Cau 2: Trong khong gian , cho cac diém

a) AB=(-3;-3;3)

b) | 4B |=2+3

¢) Diém M théa min AB+CM =0 luc d6 M (3; 1;0)

d) Piém N thudc mit phang (Oxy), sao cho 4, B, N thang hang thi N (3; 1;0)

Ciu 3: Bang 12 cho ta bang tan s6 ghép nhom vé sb liéu thong ké ti 1¢ che phi rimg (don vi: %) ctia 60
tinh, thanh phd ¢ Viét Nam (khong bao gom Hung Yén, Vinh Long, Can Tho) tinh d&én ngay
31/12/2020. (Nguon: hitps://bandolamnghiep.com)

Nhom | [0;10) | [10;20) | [20;30) | [30,40) | [40;50) | [50;60) | [60;70) | [70;80)

Tan s 17 6 3 4 9 15 5 1

Bang 12.
a) Mau sd lidu trén c6 khoang bién thién R = 80.
b) C6 4 tinh, thanh phd c6 ti 18 che phi rimg nho hon 40%.

¢) Khoang tir phan vi ctia mau so liéu di cho bang A, =53.

d) Ti 1é che phil rirg trung binh trén cac tinh, thanh phd dugc théng ké 1a 33,67% va so voi sb
nay ti 1é che phi rung trén céc tinh, thianh phé chénh léch trung binh khoang 22,73%.
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Hai chiéc khinh khi cau cung bay lén tai mot dia diém. Sau mot thoi gian bay, chiéc khinh khi
cau thtr nhat cach diém xuat phat vé phia dong 110(km) va vé phia nam 90(km), dong thoi
cach mit dat 2(km). Chiéc khinh khi cau thtr hai cach diém xuét phét vé phia bic 80(km) va
vé phia tdy 70(km), dong thoi cach mét dat 800(m).

Chon hé truc toa do Oxyz , voi gbe dat tai diém xudt phat cua hai khinh khi cau, mit phang
(Oxy) tring v6i mit dét, truc Ox huéng vé phia bic, truc Oy huéng vé phia tdy, truc Oz
huéng thang dung 1én trdi, don vi do 1dy theo kilomét(xem hinh v§).

a) Toa do cua khinh khi cau thir hai 1a (80; 7‘();$§00) .
A

o

x

Bic
b) Toa do cua khinh khi cau thir nhét 1a (—90;-110;2)

¢) Khoang cach cta chiéc khinh khi cau thir nhat v&i vi tri tai diém xuét phat ctia n6 1a
142(km) . (két qua lam tron dén hang don vi)

d) Khoang céch giita chiéc khinh khi cAu thir nhat va chiéc khinh khi ciu thir hai 1a 836 (km)

.(két qua lam tron dén hang don vi)

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén céu 6.

Cau 1:

Khu trd choi tré em GAu Misa hién c¢6 khach lugng 6n dinh mdi ngay 1a 1.000 khach. M&i khach
vao cong mua vé gia 40.000 ddng. Mot cude khao sat cho thiy ctr mdi 1an giam 2.000 dong gia
vé, khu trd choi c6 thé c6 thém 100 khach. D¢ doanh thu thu dugc 1a ti da, khu tro choi nén ban
vé v6i gia 1a bao nhiéu nghin dong?
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Cau 2:

Cau 4:
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Hang ngay muc nudc cua ho thiy dién & mién Trung lén va xudng theo luong nudc mua, va cac
sudi nudc do vé ho. Tu luc 8h sang, dd sau cuia muc nude trong ho tinh theo mét va 1én xuong

£ L
theo thoi gian t (gi0) trong ngay cho badi cong thirc h(t) =24t +5¢° 3 Biét rang phai thong

bao cho cac ho dan di doi trude khi xa nudc theo quy dinh trudce 5 tiéng. Hoi can thong bao cho
h6 dan di doi trude khi xa nude luc may gio. Biét raing muc nudc trong hd phai 1én cao nhat moi
X4 nudc.

Trong khong gian voi mot hé truc toa do cho trudc (don vi do 13y theo kilomét), ra da phat hién
mét chiéc méy bay di chuyén véi téc d6 va huéng khong doi tir diém A4(800;500;7) dén diém
B(940;550;9) trong 10 phit. Néu may bay tiép tuc gift nguyén téc do va hudng bay thi toa do
clia may bay sau 5 phut tiép theo 1a C(x;y;z). Tinh x+ y+z.

Ban An dang nim nghe nhac trong phong hinh hop chit nhat, san nha 1a hinh vudéng canh bang 4
m, chiéu cao ctia phong 13 3,2 m va phat hién ra hai con nhén dang ching to trong can phong cua
An, hai con nhén luén di chuyén trén hai dudng thang khac nhau.

Gid st can phong dugc mo hinh hoéa 1a hinh hop chir nhat
ABCD.A'B'C'D' v&i ABCD 1a nén phong ctiia An thi con nhén ¢
thir nhat dugc coi nhu diém E di chuyén trén duong day to ndi tir '
dinh 4 dén trung diém M cia CC’, con con nhén thir hai dugc
coi nhu diém F di chuyén trén dudng day to ndi tir D' dén tim
I cuamat ABB'A’. Tinh khoang cach gitra hai con nhén khi duong s
thang di qua hai con nhén vudng goc véi tran nha. (don vi mét, két ¥ r
quda lam tron dén hang phan chuc)

Trong khong gian voi hé toa dd Oxyz, cho tam giac déu ABC ¢6 A(5;3;-1), B(2;3;-4),C(1;2;0)
.Biét D(x;y;z), y>0 va ABCD la tir dién déu. Tinh 7 =x+ y+z

Trong khong gian chon h¢ truc toa d6 cho trude, don vi do léy kilomét, ra da phat hién mot may

[ Fil

A
A -
¥
Iy

bay chién dau cua Nga di chuyén véi van tdc va huéng khong doi tir diém M (500;200;8) dén
diem N (800;300;10) trong 20 phiit. Néu méy bay tiép tuc giit nguyén van toc va huéng bay sau

5 phit tiép theo thi toa d ctia may bay lic nay 1a (a;b;c). Két qua ctia phép tinh % (lam

tron dén hang phan chuc) bang bao nhiéu? (két quda lam tron dén hang phan chuc)
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Caiu 3:

thi sinh chi chon m¢t phuong an.

. A RTNET: Ay oon o ar oo s A, \ £ X
Goi M ,m lan lugt 1a gié tri 16n nhat va gia tri nhé nhat cua ham s6 y =

trén doan [0; 2] .

x+1
Tinh M +m.
A. 2. B. -3. C.2. D. 0.
Loi gidi
Tacod y= - 1 xac dinh va lién tuc trén doan [0;2].
X+
, 3
y'= 2>0,xe[0;2]
(x+l)
Suy ra ham s6 dong bién trén doan [O; 2]
:>M:y(2):0, m:y(O):—2:>M+m:—2
Cho ham sé y = f(x)cé bang bién thién nhu sau:
X — -1 -1 1 2 3 +00

y' - 0

Do thi ham s6 da cho c6 bao nhiéu duong tiém can dung va ti¢m can ngang?

Al B. 3 C. 2 D. 4
Loi giai
Chon C
lim y = -0
Vi xl;ln y=7 nén d6 thi ham sb co 2 duong tiém can ( Mot duong ti€ém cén ding va mot

dudng tiém can ngang).

Cho hinh hép ABCD.EFGH . Khi d6 véc to AB—FG 1a

A D

B } g
| (
|
|

P i
F G
A. BD. B. AE. C. DB. D. BH .

Loi giai
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Cau 4:

Cau 5:

Cau 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Do ABCD.EFGH 1a hinh hop nén FG = AD va hai vecto FG,AD cung hudng nén FG=AD

—_— — —

Taco AB-FG=AB-AD=DB.

Ham s6 nao dudi day c6 do thi dang nhu dudng cong trong hinh bén duéi?

A

N/
o

A - 22 41
Ay=2"-3z+1. B.y=2"-32"+1. C.y= 1‘:1_ D.y= 2+ 3041,
xz

Loi giai
+ Tt hinh vé ta thdy day 1a dd thi caa ham s bac 3.
+ Vi nét cudi cua do thi di 1én nén hé s6 a > 0.
Vay ham s6 c6 db thi dang nhu dudng cong trong hinh dd cho 13 y = 2° — 3z + 1.
Trong khong gian véi hé truc toa do Oxyz, cho ba diém A(—l;—l;3) , B(O;Z;O) va C(S; —2;1).
Tim toa do ctia diém D sao cho tir gidc ABCD 1a hinh binh hanh
A. (—4-54). B. (4-5;4). C. (4;,5-4). D. (—4;-5;—4).
Loi giai
Chon B

Goi D:(x;y;z):56:(5—x;—2—y;1—z)
Ta c6: 4B =(1;3;-3)

S5-x=1 x=4

ABCD 1a hinh binh hanh nén AB=DC ={-2-y =31 y=-5= D(4;-5,4).
1-z=-3 z=4

Cho ham s6 y = f(x) c6 dd thi nhu hinh v&. Piém cyc dai ctia d6 thi ham s6 1a:

Ay

=y
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Cau 7:

Cau 8:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
A x=2. B. x=0. ¢ (%-3). D. (0;1).
Loi gidi
Nhin vao d6 thi ham s6 y = f(x) ta c6: Piém cuc dai cua d6 thi ham s 1a (2;— 3)

Trung tAm ngoai ngit thong ké bang diém mon Tiéng Anh ciia mot khoa hoc trong bang bén dudi:
biem | [0:2) | [2:4) | [4:6) | [6:8) | [8;10)
Hocwvién| 10 | 30 | 55 | 42 9

Khoang tir phan vi ciia mau so li€u ghép nhom nay la

A. [ 2920 B. 2,93. C. 3,92. D. 3,93.
Loi giai
Tacod n=146.
Tt phan vi thir nhét ctia mau s liéu gdc 1a x,, €[2;4). Tt phan vi thit ba cua mau ligu goc 1a
X0 €[6:8).
Tt phan vi thi nhit ciia mau sb liéu ghép nhém trén 13
0 _2+ﬁ (4_2)_2
: 30 30
T phén vi thi ba ciia mau s6 liéu ghép nhom trén 1a
3'146—(10+30+55) 21
0, =6+—4 (8-6)=".&
2 2
. 281.4113
Khoang tt phan vi AO=0, -0, =——=5—~2,92.
gtirphanvi AQ=0, -0, =555

Két qua khao sat thoi gian str dung lién tuc (don vi: gio) tir lic sac day cho dén khi hét cua pin
mot s6 may vi tinh cung loai dugc mo ta bang biéu dd bén.

Thai gian sir dung pin ciia mjt s6 may vi tinh

S6 may ,
vi tinh

7274 7.6 1.8 8.0 Thoi gian

(1)
Hay xac dinh s6 trung binh cua thoi gian sir dung pin.
A2 B 2. c.2. .2
3 3 5 10
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025
Loi giai
Chon A
Tir biéu d9, ta c6 bang théng ké sau:
Thoi gian (gio) [7,2;7,4) | [7.4;,7,6) | [7,6;7,8) | [7,8;8,0)

Gia tri dai dién 7,3 7,5 7,7 7,9
S6 may vi tinh 2 4 7 5

Comaulan=2+4+7+5=18.
S6 trung binh ctia mau sb liéu ghép nhom 1a:

~_27.3+47,5+7.7,74579 23

18 3
n \ £ x> +3x A 4: R ., A Lt L £ 1
Cau9: Chohamso y= = Toa d6 dieém cuc dai cua do thi ham so 1a
X—
A. (-L1). B. (2:10). C. (3;9). D. (-3;0).

Loi giai
Chon A
Tap xac dinh: D=R\{1}.

Pao ham: y' =

Béng bién thién:

Ttr bang bién thién ta thy toa do diém cuc dai ctia do thi ham sé 1a (-11).
CAu 10: Mot loai vi khuan duge tiém mot loai thude kich thich su sinh san. Sau t phut, s6 vi khuan duoc
xéc dinh theo cong thirc N(¢) =1000+30¢* —¢* (0 < ¢ < 30). Hoi sau bao gidy thi sb vi khudn 16n

nhat?

A. 20. B. 10. C. 1200. D. 1100.
Loi gidi

Chon A

Xét ham s& N (1) =1000+307> —£* (0 < ¢ < 30).

N'(t)=60t—3¢".
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Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

N / \

Véi ¢ =20 gidy thi s6 vi khuan 16n nhat.
Cho tam gidc ABCcod A(1;1;1), B(-1;2;3) va C(3;2;1). Goi M la diém thudc duong thang

BC sao cho BM =2BC . Dé BMDA 13 hinh binh hanh thi toa d6 D 1a

A. D(-9;1;-3). B. D(9;1;3). C. D(9;-1;-3). D. D(9;1;-3).
Loi giai
A D
B M
. \\QJ{L\\‘
Goi D(x;y;z). \2\@\\

P& BMDA 14 hinh binh hanh thi AD=BM , ma BM =2BC néntacé AD=2BC.
Tacd AD=(x-1;y-1;z-1), BC =(4;0;-2).

x-1=24 x=9
Khid6 AD=2BC <4 y-1=2.0 <{ y=1 <D(9;1;-3)
Z—1=2.(—2) z=-3

Trong khong gian véi hé toa dd Oxyz , cho hai diém A(-2;3;1) va B(5;6;2). Duong thang AB

. g . . 2 MA
cat mat phang (Oxz) tai diém M . Tinh ti s6 B

A MA_L B MA_,. c. MA_1 p. M4 _4

-~ MB 2 MB MB 3 MB
Loi giai

Chon C

Vi M e(Oxz)= M (x;0;z)

Lai c6 E:(7;3;1);W:(x+2;—3;z—1); AB =59
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

x+2="Tk x=-9

Do M, A4,B thing hang nén AM =k.AB < {-3=3k < k=-1= M (-9;0;0)

z-1=k z=0

Vay BM = (—14;—6;—2);% =(-7;-3-1)= MA _

1
MB 2

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
2
. -x-1_ .
Cho ham s6 y="—""" khi do.

x—2

a) Ham s ddng bién trén khoang (5 ;+ oo) .

b) Ham sé dat gié tri 16n nhat trong khoang (—oo; 2) lamax f (x) =5.

(-032)

¢) Ham s6 co tiém can xién: y =x—1.

d) Do thi ham sb cit truc Oy tai M. Phuong trinh tiép tuyén ctia dd thi ham s6 tai M 1a

3x-4y+2=0

Loi giai

| a)Ping | b)Sai [ ¢)Sai | d)Ping

Tép x4c dinh: D =R/{2}.

Taco: y=x+1+

x=2
2
y’:L)Hf cho y'=0< x=1hodacx =3
(x=2)
Bang bién thién:
* =" 1 2 3 +00
f(x) + 0 - fn 0
1 ~+ 00 + 00
= .-"-' H\_‘R "
flx) - ™
a _.._.-"" e 'H._H\- "
— 00 —00 3

a) Puing. Ham s6 dong bién trén khodng (—o0;1) va (3;+00).

b) Sai. Ham sb dat gié tri 16n nhét trong khoang (—o0; 2) lamax f(x)=1.

(—0:2)

. , . x . x2—x-1
¢) Sai. * Tacé: a = lim LG
x—>+00 X x—+00 x(x—2)

=1vab= lim [f(x)—x] =
X—>+00

. x
lim —=1.
xX—+co0 X—2

* Vay duong thang y = x + 1 1a tiém can xién cua do thi ham sb da cho (khi x — +o0 ).

Swu tam va bién soan
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Cau 3:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

¢ Tuong ty, do lim '~ 1va lim [f(x) — x] = 1 nén duong thang y = x + 1 ciing 1a
X X—>—00

—->—00 X

tiém c4n xién ctia do thi ham sé d cho (khi x » —c0).

d) Piing. Giao diém cua do thi ham sb vai truc tung 1a diém M (O; %) va y’(O) = % . Phuong
\ A A 5 A 1N A . \ 3 1

trinh ti€p tuyén cia do thi ham so tai M la: y = Zx+§ < 3x-4y+2=0.

Oxyz A(4;2;-1), B(,-12) (5 C(0;-2;3)

Trong khong gian , cho cac diém

a) AB =(-3;-3;3)

b) | AB = 2\/3

¢) Diém M théaman AB+CM =0 luc d6 M (3; 1;0)

d) Piém N thudc mit phang (Oxy), sao cho 4, B, N thang hang thi N (3; 1;0)

Loi gidi

| a) DPung | b) Sai ‘ ¢) bing ‘ d) Pung ‘
a) AB =(1—4;—1-2;2+1) = (-3;-3;3) =| 4B |=/(-3)* +(-3)* +3° =33

Goi M (x;y;z) thi MC =(-x;-2—y,3—2z). &

o
&
—xi@§3 x=3
ViAB+CM =0= AB=MC ={-2-y=-3<{y=1. = M(3; 1,0).
3—z=3 z=0

Vi N thudc mit phang (Oxy) nén toa do diém N 1a N(x;y;0)
Ta co: W(x—4;y— 2;1);W(x—1;y +1;-2)

DPé A4,B,N thang hang thi hai vecto AN,BN cung phuong. Do do, AN = kBN

x—4=—l(x—1)
x—4=k(x—1) ? .
Suyra, {y-2=k(y+1)= y—2:—5(y+1):>{x_ I.Véy N(3;1;0)
1=-2k O -
k=—
2

Piém M thudc doan thang AB sao cho MA =2MB c6 toa ddo M (é ;I;IJ .

Béng 12 cho ta bang tan s6 ghép nhom vé s liéu thong ké ti 1& che phu rimg (don vi: %) ctia 60
tinh, thanh phd ¢ Viét Nam (khong bao gdm Hung Yén, Vinh Long, Can Tho) tinh dén ngay
31/12/2020. (Nguoén: https://bandolamnghiep.com)
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Nhom | [0;10) | [10;20) | [20;30) | [30,40) | [40;50) | [50;60) | [60;70) | [70;80)

Tan s 17 6 3 4 9 15 5 1

Bang 12.
a) Mau sd lidu trén c6 khoang bién thién R = 80.
b) C6 4 tinh, thanh phd c6 ti 18 che phi rimg nho hon 40%.

¢) Khoang tir phan vi ctia mau so liéu di cho bang A, =53.

d) Ti 1é che phil rimg trung binh trén cac tinh, thanh phd dugc théng ké 1a 33,67% va so voi sb
nay ti 1¢ che phu rung trén cac tinh, thanh phd chénh léch trung binh khoang 22,73%.

Loi gii
| a)Ping | b)Sai | oSai | d)Ding
a) Pung.
Mau s6 liéu trén c6 khoang bién thién R = 80— 0 = 80.
b) Sai.
Vi ¢6 30 tinh, thanh phé c6 ti 18 che phi rimg nho hon 40%.
¢) Sai.
Nhom [0;10) | [10;20) | [20;30) | [30;40) | [40:50) | [50;60) | [60;70) | [70;80)
Tan s 17 6 3 4 9 15 5 1
Tan s tich liy 17 23 26 30 39 54 59 60
Gia tri dai dién 5 15 25 35 45 55 65 75

Ta co: ﬁzlS;—:
4 4

3N

45. Ta tinh dwoc tir phan vi thi nha O, va ti phan vi thir ba Q; nhu sau

N_r
4 h 15-0 150
=L+ h=0+—(10-0)=——;
g="4 n, h 17 ( ) 280
N _,
B —
0. =L +4 " p-50+% 39.(60—50)=54.
n,

x4 s 150
Vay khoang tir phéan vi cua mau so li¢u bang A, =54 _2i80 ~ 53,46.

d) bing.

Page 13

Swu tam va bién soan



DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Ta co
Nhom [0;10) | [10;20) | [20;30) | [30;40) | [40;50) | [50:60) | [60;70) | [70;80)
Tan s6 17 6 3 4 9 15 5 1
Tansb tich liy | 17 23 26 30 39 54 59 60
Gia tri dai dién | 5 15 25 35 45 55 65 75
Trung binh ctia mau s6 liéu:
- 17.5+6.15+3.25+4.354+9.45+15.55+5.65+1.75 101
xX= =—=~33,67
60 3
Phuong sai ctia miu s6 liéu:
— 2 — 2 —_ 2 — 2
S2:17.(x—5) +6.(x=15) +3.(x-25) +4.(x-35)
60
— 2 — 2 — 2 — 2
9.(x—45) +15.(x— x- (x—
. (x-45) +15.(x=55) +5.(x-65) +1.(x~75) 23057
60 45

=>s5= ‘/23257 ~22,73.
45

Hai chiéc khinh khi cau cung bay 1én tai g@?dia diém. Sau mot thoi gian bay, chiéc khinh khi
cau thtr nhit cach diém xuit phat vé g\g{\ﬁ dong 110(km) va vé phia nam 90(km), dong thoi

cach mit dat 2(km). Chiéc khinh khi cau thtr hai cach diém xuét pht vé phia bic 80(km) va
vé phia tdy 70(km), dong thoi cach mét dat 800(m).

Chon h¢ truc toa d0 Oxyz , véi géc dat tai diém xuét phat cua hai khinh khi cau, mit phéng
(Oxy) tring v6i mat dét, truc Ox hudng vé phia bic, truc Oy hudng vé phia tay, truc Oz
huéng thang dimg 18n troi, don vi do 1y theo kilomét(xem hinh v&).

a) Toa d6 cua khinh khi cau tht hai 1a (80;70;800).
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Bic
b) Toa d¢ cua khinh khi cau thir nhét 1a (—90;-110;2)

¢) Khoang cach ciia chiéc khinh khi cau thir nhat véi vi tri tai diém xuét phat cta no 1a
142(km) . (két qua lam tron dén hang don vi)
d) Khoang céch giita chiéc khinh khi ciu thir nhat va chiéc khinh khi ciu thir hai 1a 836 (km)
.(két qua lam tron dén hang don vi)
Loi giai
| a) Dung | b) Dung ‘ ¢) bung ‘ d) Dung ‘

a) Sai

Do don vi tinh 13 kilomét nén toa do ctia khinh khi cau thir hai la (80; 70,0, 8) .

b) Dung

Ta c6 hudng Nam nam trén tia di cua tia Ox ,huéng Pong nam trén tia di ctia tia Oy nén toa
d6 cua khinh khi cau thtr nhét la (-90;-110;2).

¢) bing

Khoang cach cua chiéc khinh khi cau thir nhat véi vi tri tai diém xuét phat cta né 1a

J(=90)" +(~110) +2? ~142(km)

d) Sai

Khoang céach gitra chiéc khinh khi cau tht nhat va chiéc khinh khi cau thi hai 1a

J(80+90)" +(70+100) +(0,8—2)" = 248 (km)

PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Khu trd choi tré em Gau Misa hién c6 khach lwong 6n dinh mdi ngay 1a 1.000 khach. Mdi khach
vao cong mua vé gia 40.000 dong. Mot cude khao sat cho thdy ctr mdi 1an giam 2.000 dong gia
vé, khu trd choi c6 thé c6 thém 100 khach. D¢ doanh thu thu dugc 1a tdi da, khu tro choi nén ban
vé voi gia 1a bao nhiéu nghin dong?

Loi giai
Tra loi: 30
Goi x 1a s6 lan giam 2 nghin ddng gia vé. Khi do:
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Cau 2:

Cau 3:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Gia vé luc nay l1a: p(x)=40-2x,vdéi 0<x<20.
S6 khach tang thém 1a 100x .

Do d0, tong s6 khach 1a 1000+100x .

Ham doanh thu thu duoc:

R(x)=(1000+100x) p(x) = (1000 +100x)(40 - 2x) = ~200x> + 2000 + 40000

Xétham R = R(x) =—200x +2000x +40000 trén (0;20)

R’ =-400x +2000
R'=0=x=5
Vi R =R(x)1a ham s6 bac hai c6 hé s6 a <0, nén: Max R = R(5)

(1;20)
Vay doanh thu dat t6i da khi: x =5. Diéu ndy twong Gmg véi 5 lan giam 2000, tirc 1a gid vé can
ban ra 1a 40000—5.2000 = 30000
Hang ngay myc nudc cta hd thuy dién ¢ mién Trung 1én va xudng theo luong nudc mua, va cic
sudi nudc d6 vé hd. Tir lic 8h sang, dd sau ciia myc nude trong hd tinh theo mét va 1én xudng
. . ) £ '
theo thoi gian t (gid) trong ngdy cho bdi cong thirc h(t) =24t +5¢t° 3 Biét rang phai thong

bao cho cac ho dan di doi trude khi xa nudc theo quy dinh trudce 5 tiéng. Hoi can thong bao cho
h6 dan di doi trude khi x4 nude luc may gio. Biét raing muc nudc trong hd phai 1én cao nhat moi

X4 nudc.
Loi giai
W
Tra Ioi: 15 \S&
Ta co: &
h'(t)=24+10t -7
t =—2(loai
h'(1)=0<24+10t - =0 < (loai)
t=12 (t/ m)
BBT:
t 8 12 24 +o0
h'(1) + 0 -

Muc nudce 1én cao nhat thi phai mat 12 gio. Hay myc nudc 1én cao nhat 1a Iac 20 gid.

Vay phai théng bao cho dan di doi vao 15 gio chiéu ciing ngay.

Trong khong gian voi mot h¢ truc toa do cho trudc (don vi do lay theo kilomét), ra da phat hién
mét chiéc méy bay di chuyén véi téc do va huéng khong doi tir diem 4(800;500;7) dén diem
B(940;550;9) trong 10 phit. Néu may bay tiép tuc gitt nguyén téc d6 va huéng bay thi toa do
clia may bay sau 5 phut tiép theo 1a C(x;y;z). Tinh x+ y +z.
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Cau 4:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Loi giai
Tra loi: 1594

Vi tri ctia méy bay sau 5 phit tiép theo 1a C(x; y;z).

Vi hudng ctia may bay khong d6i nén AB va BC cung hudng.

Do tdc d6 ciia may bay khong d6i va thoi gian bay tir 4 dén B gép doi thoi gian bay tir B dén
C nén AB=2BC.

Do d6 E,=%E:(940—800;550—500;9;7j:(70;25;1).

2 2
x—940 =70
Mit khac, BC = (x—940; y—550;z—8) nén { y—550 =25
z—8=1
x=1010
T do {y=575 = x+y+z=159%.
z=9

Ban An dang nam nghe nhac trong phong hinh hop chir nhat, san nha 1a hinh vudng canh bang 4
m, chiéu cao ctia phong 1a 3,2 m va phat hién ra hai con nhén dang ching to trong can phong cua
An, hai con nhén luén di chuyén trén hai duong thang khac nhau. Gia sir can phong duge mo
hinh héa 1a hinh hop chit nhat 4BCD.A'B'C'D' véi ABCD 1a nén phong ciia An thi con nhén
thir nhat dugc coi nhu diém E di chuyén trén dudng day to ndi tir dinh 4 dén trung diém M
ctia CC’, con con nhén thir hai dugc coi nhu diém F di chuyén trén duong day to nbi tir D' dén
tam / cua mit ABB'A’. Tinh khoang cach giita hai con nhén khi dudng thang di qua hai con
nhén vudng goc voi tran nha. (don vi mét, két qua lam tron dén hang phan chuc)

Loi giai
Tra loi: 1,6
Gan hé truc Oxyz sao cho 4=0;AB=0x; AD =0y; AA' = Oz

Taco A(0;0;0);4'(0;0;3,2);M (4;4;1,6);D'(0;4;3,2);1(2;0;1,6).
Goi E(x,y,z),F(m,n,p)

x=4a
Gia st AE =adM < {y=4a = E(4a;4a;1,6a)
z=1,6a
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Caiu 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

m=2b m=2b

+) DF =bDT < {n-4=—-4b  <in=4-4b = F(2b;4-4b;3,2-1,6b)
p-3,2=-1,6b p=32-1,6b

Ta co

EF =(2b—4a;4—4b—4a;3,2—1,6b-1,6q)

A4 =(0;0;3,2)

Pé duodng thing di qua hai con nhén vudng goc vé6i tran nha thi EF cung phuong voi AA

1

a=

_|2b-4a=0 3

€ = .
4-4b—4a=0 b 2

3

Khi d6 EF =(0;0;1,6) = EF =1,6.

Vay khoang cach giita hai con nhén bang 1,6 m.

Trong khong gian véi hé toa dg Oxyz, cho tam gidc déu ABC ¢6 A(5;3;-1), B(2;3;-4),C(1;2;0)

.Biét D(x;y;z), y>0 va ABCD I tir dién déu. Tinh 7= x+ y+z

Loi giai
Tra loi: 7
Goi D(x;y;z).

W
Khi d6: AD = (x=5y-3;z+1); BD = QQ‘sz 3z+4); CD= (x—1Ly-2;z).

\%\

Vi tam gidc ABC déu nén ti dién AB%\D d&u khi va chi khi AD=BD=CD = AB =32
(x=5+(y=3) +(z+1)’ =(x-2)+(y=3) +(z+4)
(=5 + (=3 +(+D)’ =(x=1)’ +(y-2)" +(2)°
(x=57+(y-3) +(z+1)* =18

z=1-x z=1-x
& qy=16-5x & qy=16-5x
(x=5°+(y=3) +(z+1)* =18 3x*—16x+20=0
10 -2 -7

D(2;6;,-1)v D(?? ?j Do y>0,nénchon D(2;6;-1)va T'=24+6-1=7.

Trong khong gian chon hé truc toa do cho trude, don vi do ldy kilomét, ra da phat hién mot may
bay chién dau cua Nga di chuyén véi van toc va huéng khong doi tr diém M (500;200;8) dén
diém N (800; 300;10) trong 20 phut. Néu may bay tiép tuc giit nguyén van toc va hudng bay sau

b+c

. X X +
5 phut tiép theo thi toa d§ ciia may bay luc nay la (a; b; c) . K&t qua cua phép tinh a (lam

tron dén hang phan chuc) bang bao nhiéu? (két qua lam tron dén hang phan chuc)
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Loi giai

Tra loi: 0,6

Goi O(x;y;z) 1a toa do cia may bay sau 5 phit tiép theo.
Ta c6: MN =(300;100;2); NO =(x—800;y—300;z-10)

Vi may bay giir nguyén huéng bay nén MN va N—Q cung hudng.
Do may bay tiép tuc giit nguyén van toc va thoi gian bay tir M — N gap 4 1an thoi gian bay tir
N — Q nén MN =4NQ
300 =4(x—800) x=2875
Suy ra MN =4NQ < {100 =4(y-300) < { v =325 = 0(875;325;10,5)
2=4(z-10) z=10,5

Toa d6 cua mdy bay sau 5 phut tiép theo 1a (875;325;10,5)

a+b+c 875+325+10,5

=0,59(7) ~ 0,6
2025 2025

Twr d6 suy ra
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PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 06

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

Caul: Hamsb y=x"—3x—2025 nghich bién trén khoang
A. (-1;1). B. (0;3). C. (—o0;-1). D. (1;3).

Cau2: Gia tri 1on nhat cua ham s6 y=-x"+3x+1 trén doan [0; 2] bang
A. 1. B. 1. C. 3. D. 5.

Cau3: Chohamsd y=f (x) co bang bién thién nhu hinh vé:

x |—o 1 2 +oo
['(x) - - 0 +
2 || 4 6
[(x) / \
& -1

Tong s6 dudng tiém can dung ciia dd thi ham s6 y = f (x) la:

A. 0. B. 1. C.2. D. 3.
Cau4: DO thi cia ham s nao dudi ddy co dang nhu dudng cong trong hinh bén du6i?

A

x—1
= B. y=—x’+3x+1. C. y=x"-3x"+1. D. y=x’-3x+1.
Y2025 7 4 d
Cau5: Cho hinh hop ABCD.A'B'C'D' . Tacd A'B+A'D+ AA’ bing

B' C'

| -

A. AC'. B. AC. C. AB'. D. AD'.
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cu li ca nhay 3 budc ctia 40 hoc sinh 16p 12 duoc ghi lai & bang tan s ghép nhom sau:
Do dai (m) [9;10) [10;11) [11;12) [12;13) [13;14)
Tan s6 18 10 6 4 2

Tinh phuong sai ctia miu s6 liéu ghép nhom trén (két qua lam tron dén hang phan tram).
A. 1,45. B. 1,46. C. 1,47. D. 1,44.
Cho hinh 1ap phuong ABCD.A'B'C'D’' c¢6 tam O. Goi [ 1a tam cua hinh vuéng 4'B'C'D’ va

M 1a diém thudc doan thang OI sao cho OM = %MI (tham khao hinh v&).

B, C
I
I
4 [ A"
) ~ e : “ o D
T
q'}___l*t:{__::—.u.-. C
,/, f! \\\
A D
Khang dinh nao sau ddy 1a dang?
A. 31V = O B.]\TO:%W. C. OM = Mi . D. Mi=2MO0 .

Khao sat chiéu cao ctia mot nhém 10 hoc sinh 16p 12A ( theo don vi do 1a centimét). Ta c6 duoc
mau sd liéu ghép nhom nhu sau:

Chu ki (cm) [150;155) [155;160) [160;165) [165;170)

Tén s6 1 3 4 2
Khoang bién thién ctia mau s liéu trén 1a
A. 20. B. 25. C.15. D. 30.
Sé tiém can ding cua dd thi ham s y= w la

xP+x
A. 0. B. 3. C.2. D. 1.
Trong khong gian Oxyz, cho diém A(1;2;-3). Diém ddi xtmg cia 4 qua mit phing (Oxy) c6
toa do la
A. (1,0;-3). B. (1;0;0). C. (1,2;3). D. (0;2;-3).
Ham sb y=x"—5x>+3x+1 dat cyc tri tai cac diém X, X, . Téng X, +x, cO gia tri béng
A. —1. B. —2. C.1. D.Q.
3 3

Trong khong gian Oxyz, cho hinh vudng ABCD ¢6 B(3;0;8) va D(—5;—4;0). Do dai canh ctia
hinh vuéng d3 cho bang
A. 5\2. B. 632 C.6. D. 12.
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PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cdu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho ham s y=ﬂ.
x—1
a) Do thi ham sb ¢o duong tiém can dimg 1a x =1.
b) Pudng tiém can xién cua dd thi ham s6 1a y=x+2.
¢) D4 thi ham s6 c6 diém cyc tieu 1a A(-1;-1).
d) Buong th:fmg di qua hai diém cuc trj ctia dd thi ham s6 giao véi hai tryc toa do tao thanh mot
tam giac c6 dién tich bang %
Mot thap trung tim kiém soat khong luu & san bay cao 100m sir dung ra da c6 pham vi theo ddi

600 km dugc dat trén dinh thap. Chon hé truc toa
d6 Oxyz co gbc O trung véi vi tri chan thap, mat
phang (Oxy) tring véi mdt dat sao cho truc Ox
huéng vé phia tay, truc Oy hudéng vé phia nam,
truc Oz hudng thang dtng 1én phia trén (Hinh bén)
(don vi trén mdi truc tinh theo kilomét).

Mot may bay tai vi tri /' cach mat dat 12 km,
cach 400 km vé phia tdy va 300 km vé phia béc
so voi thap trung tim kiém soat khong luu.

a) Toa d¢ cua ra da dat trén thap (0;0;0,1).

b) Toa dd cua may bay trong hé truc toa d¢ da chon: F (400;300;12) .

¢) Khoang cach tir may bay dén ra da 264,85km (lam tron két qua dén hang phan trim).
d) Ra da cua trung tdm kiém soat khong phat hién duoc may bay tai vi tri F .

Trong hé toa dd Oxyz, cho A(3;-1;4),B(2;0;-1) va C(1;-2;0).

a) Hinh chiéu ctia 4 trén mat phéng (Oxz) cOtoaddla (O;—I;O) .

b) Trong tam gidc ABC, canh c6 do dai nho nhét 1a canh 4B .

314
=

¢) Dién tich tam gidc 4ABC bang

d) Goi N (a;b;c)la diém thoa man NA-2NB+AC =0.Khi d6 a+b+c 1amdt sb nguyén td.
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Hai chiéc flycam dugc diéu khién cung bay lén tai mot dia diém. Sau mot thoi gian bay, chiéc
flycam thtr nhat cach mat dat Sm, cach diém xuat phat 3m vé phia Nam va 2m vé phia Dong.
Chiéc flycam thtr hai cach mat dat Sm, cach diém xuat phat 6m vé phia Bic va 6m vé phia
Tay. Chon hé truc toa o Oxyz véi géc O dit tai diém xuét phat cta hai chiée flycam, mit phiang
(Oxy) trung véi mit dat c6 truc Ox huéng vé phéi nam, truc Oy huéng vé phia dong va truc
Oz huéng thang dimg 1én troi, don vi do 1iy theo mét.
a) Toa do cua chiéc flycam tht nhat 1a A(3; 2; 5) . Toa d¢ cua chiéc flycam thir hai 1a
B(-6;-6;5)

b) Diém d6i xtmg ctia 4 qua mat phang toa do (Oxy) 1a 4'(3;2;-5)
¢) Toa d6 diém M thudc mit phang (Oxy) sao cho M, A', B thang hang la M (—9;— 8;10)

d) Trén mat dat, nguoi ta xac dinh mot vi tri sao cho tong khoang cach tir 46 dén hai chiéc

flycam ngéan nhat. Khoang cach tir diém xuét phat dén vi tri do 1a 75

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau 1:

Cau 3:

2
. X R C S S £ X" +3x+3 e
Goi M,m lan luot 1a gia tri cuc dai, gia tri cyc tiéu cia ham s y = 2 Tinh gia tri ctia
X+

biéu thic M*> —2m .

Trong khong gian, xét hé truc toa d6 Oxyz, ¢6 gbc O tring véi vi tri cia mot gian khoan trén
bién, mit phang (Oxy) trung véi mét bién (dugc coi la mét phang), véi Ox huéng vé phia ty,
Oy hudng vé phia nam, Oz huéng 1én troi. Pon vi do trong Oxyz tinh theo km. Radar dit tai
gian khoan phat hién mot tau tham hiém co vi tri cach gian khoan 10km vé phia tay, 5km vé
phia nam, va & d6 sau cach mit nudc bién 4359m. Khoang cach tir radar t6i tau tham hiém tinh
theo don vi km lam tron dén hang don vi la

Thoi gian (phtt) di chuyén dén trudng ctia nhom hoc sinh truong THPT Chu Vin An Ha Noi
duogc tong hop dudi bang sau:

Thoi gian [30;40) | [40;50) | [50;60) | [60;70) | [70;80) [80;90)

S6 hoc sinh 2 10 16 8 2 2

Khoang Tt phan vi ctia mau s6 lidu ghép nhém trén (Iam tron dén hang phan mudi) la:
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Ciu 6:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Trong khong gian Oxyz, cho A(2;3;1), B(3;—4;1). Piém M €Oy sao cho T =2MA’> + MB’
dat gi4 tri nho nhat. Tung d6 diém M bang bao nhiéu? (Lam tron dén s6 thap phan thi 2).

Mot cira hang ban vai Thanh Ha véi gia ban mdi kg 1a 50000 dong. Vi gia ban nay thi cira
hang chi ban dugc khoang 25 kg. Cira hang nay du dinh giam gi4 ban, udc tinh néu ctra hang cr
giam 4000 dong cho mot kg thi sé vai ban duoc ting thém 1a 50kg. Xac dinh gia ban dé cira
hang d6 thu dugc lgi nhuan 16n nhat (Pon vi nghin ddng), biét rang gia nhap vé ban dau mdi kg
12 30000 dong.

Mot chiée dén tron dugc treo song song véi mat phing nim ngang boi ba soi gidy khong dan
xuat phat tir diém O trén tran nha va 1an luot budc vao ba diém M , N, K trén duong tron sao
cho lyc cang 171,172,173 lan luot trén mdi ddy OM,ON,OK d6i mot vudng goc v6i nhau va

K

= ‘1?’2‘ = ‘E‘ = 25\/5( N). Biét trong luong cuia chiéc dén d6 1a a(N). Tim a.
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

thi sinh chi chon m¢t phuong an.

Ham s6 y = x’ —3x—2025 nghich bién trén khoang

A (-1;1). B. (0;3). C. (—o0;-1). D. (1;3).
Loi giai

Chon A

Ham s6 c6 tap xac dinh [a R .

7 ' 2 i 'x:l
Taco: y'=3x"-3; )y =0& )
x=-1
Bang xét dau:
x —o0 -1 1 +00
' + 0 - 0 +

Theo bang xét dau: y' <0 Vx € (—1;1) = Ham sé nghich bién trén khoang (-1;1).

Gia tri 16n nhit cia ham s6 y = —x* +3x +1 trén doan [O; 2] bang

A. 1. B. -1. C. 3. D. 5.
Loi giai

Chon C
Ta co

x=le[0;2]
y=-x+3x+1=)y' =-3x"+3=0<

x:—le‘[O;Z].
Mat khac
y(0)=1
y(1)=3
y(2):—1.

Vay gid trj 16n nhét cia ham s§ y =—x’ +3x+1 trén doan [0;2] béng 3.

Cho ham s6 y = f(x) c6 bang bién thién nhu hinh vé:

x |—o0 1 2 +0o0
f'(x) + - 0 +
2 || 4 6
f(x) / \
—00 -1

Téng s6 dudng tiém can dimg ctia do thi ham sé y = f (x) la:

Page 6

Swu tam va bién soan



DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

A 0. B. 1. C.2. D. 3.
Loi giai

Chon A

Tap xac dinh: R\ {1}.
lim f (x) =2 ‘ ’

Ta co x__’l nén do thi ham so khong c6 mot ti€ém can ding nao.
lim f(x)=4
x—1"

Cau4: DO thi cia ham sb nao dudi ddy co dang nhu dudng cong trong hinh bén du6i?

A

x—1

= B. y=—x+3x+1. C. y=x'-3x"+1. D. y=x’—3x+1.
X +2025 7 7 =7

Ay
Loi giai

Chon D

Do thi 1a ham sé bac ba va cohésé a >0= loai 4, B.

Do thi ham s6 dat cuc trj tai x=1, x=—1 = chon D.
Cau5:  Cho hinh hop ABCD.A'B'C'D' . Tacd A'B+ A'D+ AA bing

B' C'
I
A II -
|
|
I
|
B/'________ C
e
e
7
A
D
A. AC'. B. AC. C. 4B'. D. AD'.
Loi giai

Cach 1: ﬁ+ﬁ+ﬂ=(ﬁ+ﬂ)+(m+ﬂ)+ﬂ.
— (4B + D)+ A= AC + Ad=AC.

Cach2: AB+AD+AA =AB+AD=AB+BC=AC.
Cau 6: Cuyli cinhdy 3 budc cua 40 hoc sinh 16p 12 dugc ghi lai & bang tan sé ghép nhom sau:
bo dai (m) [9;10) [10;11) [11;12) [12;13) [13;14)

Page 7

Swu tam va bién soan



Cau 7:

Caiu 8:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Tan s6 18 0o | 6 4 2|

Tinh phuong sai ciia mau s6 liéu ghép nhom trén (két qua 1am tron dén hang phan trim).

A. 1,45. B. 1,46. C. L,47. D. 1,44.

Loi giai

Ta c6 bang théng ké cu 1i ¢t nhay cua cac hoc sinh theo gia tri dai dién

Do dai dai dién (m) 9,5 10,5 11,5 12,5 13,5
Tan s 18 10 6 4 2

Co mau n=40.
S6 trung binh ctia mau s6 liéu ghép nhom 1a

18.9,5+10.10,5+6.11,5+4.12,5+2.13,5
40

X =

=10,55.

Phuong sai ciia mau s6 liéu ghép nhéom la

S? =%(18.9,52 +10.10,5> +6.11,5% +4.12,5° +2.13,52)—10,552 =1,4475~1,45.

Cho hinh 1ap phuong ABCD.A'B'C'D' c¢6 tam O. Goi [ 1a tam cua hinh vuéng 4'B'C'D' va

M 1a diém thudc doan thang OI sao cho OM = %MI (tham khao hinh v&).

B, C
I
LAY
4 A
, \\ : .\ O D
-\.* \t
Mg,
%',L - _'\t}i_: ==t
,/, I! \\\
A o)
Khang dinh nao sau ddy 1a dang?
_ - 1 — - -
A. 3IM =0l . B. M0=EIM. C. OM =Ml . D. MI =2MO .
Loi giai

Ta dé& dang nhan thay dap an C sai vi khong thoa min gia thiét. Dap an D, A sai vi hai véc to
cung phuong nhung khac hudng.

Khao sat chiéu cao ciia mot nhom 10 hoc sinh 16p 12A ( theo don vi do 14 centimét). Ta c6 dugc
mau sd liéu ghép nhom nhu sau:

Chu ki (cm) [150;155) | [155160) | [160;165) | [165;170)
Tan s 1 3 4 2
Khoéng bién thién ctia mau sd liéu trén 13
A. 20. B. 25. C. 15. D. 30.
Loi giai

Khoang bién thién ctia mau s6 lidu trén 1a R, =170—150 = 20.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Jr+16-4

S4 tiém can dimg cua dd thi ham s y= 5 la
X +Xx

A. 0. B. 3. C.2. D. 1
Loi giai

Tap xac dinh: D =[-16;+0)\{-1;0}

Taco:

. Ax+16-4 . X ) 1 1
Iim———=1im = lim = g

S0 o0 () (VrH164+4) 0 (x+1)(Vx+ 16+ 4)
- Nx+16-4 x 1

li = lim = lim =

1
o0 x4 x X—’O’x(x+1)(\/E+4) x—’o’(x+l)(\/m+4) 8

Do d6 x =0 khong phai 1a tiém cén ding.

Jx+16-4

lim —————=+00 dod6 x=-1 la tiém cén ding.
G A s

Vay: Sb tiém can ding ctia @6 thi ham sé 1a 1.
Trong khong gian Oxyz, cho diém A (l; 2; —3) . Piém ddi xtng ctia 4 qua mit phing (Oxy) co
toa do la
A. (1,0,-3). B. (1;0;0). C. (1,2;3). D. (0;2;-3).

Loi giai
Hinh chiéu vuéng géc cua 4(1;2;-3) 1én mit phang (Oxy) la diém M c6 toa do 1a (1;,2;0).
Goi diém doi xtmg ctia 4 qua mit phang (Oxy) la diém 4’ khi d6 diém M 1a trung diém 4’4

X, =2x,—x, x,=2-1-1=1
Tasuyra:  y, =2y, —y, <y, =2-2-2=2= A'(1;2;3)

z,=2z,—2, z,=2-0+3=3
Ham s6 yzx3 —5x* +3x+1 dat cuc tri tai cac diém X5 X,. Téng X, +x, cO gia tri béng
Al B. -2 c.1. p. 2.

3 3
Loi giai
TXD D=R.
Ta co: y'=3x"—10x+3. Phuong trinh y’ =0c6 hai nghiém x,, x,. Theo tinh chét ciia ham s6
10

bac ba ta suy ra ham so da dat cuc tri tai cac diém x,, x,va x, +x, = 3

Trong khong gian Oxyz, cho hinh vudng ABCD ¢6 B(3;0;8) va D(—5;—4;0). Do dai canh ciia

hinh vudng da cho bing
A. 542, B. 6V2. C.6. D. 12.
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Loi giai

Tacé BD=(-8,-4;-8)= BD =12 = AB="2 — 6.

Np

PHAN II. Ciu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau l:

cau, thi sinh chon ding hodc sai.
Cho ham s yzw.
x-1
a) Do thi ham s6 ¢ duong tiém can ding 1a x =1.
b) Pudng tiém can xién cua dd thi ham s6 1a y=x+2.
¢) D4 thi ham s6 c6 diém cyc tieu 1a A(-1-1).
d) Buong théng di qua hai diém cuc tri cua dd thi ham s6 giao véi hai tryc toa do tao thanh mot
tam giac c6 dién tich bang i
Loi giai
| a) DPung | b) Pung ‘ ¢) Sai ‘ d) Pung

a) Piing. Ta c6 duong tiém can ding cta dd thi hamsd 1a x=1.

2
b) Pung. Ta c6 y:Lx:_z:x+2+i,nén duong tiém can xién cua dd thi ham s6 1a
x— x—
y=x+2.
. , 4 2 x=-1
¢)Sai. Taco y'=l-——=, y'=0(x-1) =4
(x-1) x=3

Lép bang bién thién ham s6 ta duge diém A4(-1—1) 1a diém cyc dai ctia ham sb.
d) Pung. Ta c6 toa d0 hai diém cyc tri ctia d6 thi ham s6 1a A(-1;-1) va B(3;7).

Khi do E(4; 8) 1a véc to chi phuong, nén ;1(2;—1) 1a véc to phap tuyén cua duong thing AB
Vay phuong trinh dudng thang d di qua hai diém cuc tri ciia d6 thi ham s6 1a dudng thang 4B
¢6 phuong trinh: 2(x-3)-1(y-7)=0< y=2x+1.

. . L ) 1
Khi d6 giao ctia d v6i hai truc toa @6 Ox, Oy lan luot 1a M(_E;OJ va N(0;1).

=1,
4

Tam gi4c tao thanh 13 tam giac vudng OMN c6 dién tich bang S = %OM OM = %%
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Cau 3:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Mot thap trung tam kiém soat khong luu & san bay cao
100m st dung ra da c6 pham vi theo doi 600 km dugc
dat trén dinh thép. Chon h¢ truc toa d0 Oxyz co géc 0
tring véi vi tri chan thap, mit phang (Oxy) tring véi
mit dat sao cho truc Ox hudng vé phia tdy, truc Oy
huéng vé phia nam, truc Oz hudng thang ding 1én phia
trén (Hinh bén) (don vi trén moi truc tinh theo kilomét).

Mot may bay tai vi tri F cach mat dat 12 km, cach 400 km vé phia tdy va 300 km vé phia bac
so voi thap trung tim kiém soat khong luu.

a) Toa d¢ cua ra da dat trén thap (0;0;0,1).
b) Toa do cua may bay trong hé truc toa do da chon: F(400;300;12).
¢) Khoang cach tir may bay dén ra da 264,85km (Iam tron két qua dén hang phan tram).

d) Ra da ctia trung tim kiém soat khong phat hién duoc may bay tai vi tri F .

Loi gidi
| a)Ping | b)Sai | Sai | d)Sai |

a) bung. Theo gia thiét, ra da & vi tri c6 toa do (0; O;O,l) .

b) Sai.

- May bay cach miat dat 12 km, nghia 13 toa do trén truc z 13 12 km.

- May bay cach 400 km vé phia tdy so véi thap, tirc 1 toa do trén tryc x s& 14 400 km.

- May bay cach 300 km vé phia bic so vai thap, tic 1a toa d trén truc y s€la —300km (do
truc y hudng vé phia nam).

Toa dd ctia may bay la: (400; —300;12) .

¢) Sai

Vay khoang cach tir may bay dén ra da 1a:

J(400-0)’ +(~300-0)’ +(12-0,1)" ~ 500,14 (k)

d) Sai. Vi 500,14 < 600 nén ra da cta trung tam kiém soat c6 phat hién dugc may bay.
Trong hé toa dd Oxyz, cho A4(3;-1;4),B(2;0;—1) va C(1;-2;0).

a) Hinh chiéu cta 4 trén mat phang (Oxz) c6 toa do la (0;—1;0).

b) Trong tam giac ABC, canh c6 d¢ dai nho nhét 1a canh 4B .

314
=

¢) Dién tich tam gidc 4ABC bang
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d) Goi N(a;b;c) 1a diém thoa mdn NA—2NB+ AC=0.Khidé a+b+c 1a mot sb nguyén td.

Loi gidi
| a2)Sai | b)Sai | o bing | d)Ding |

a) Sai. Hinh chiéu ciia 4 trén mit phing (Oxz) c6 toa do 1a (3;0;4).

b) Sai. Trong tam gidc ABC, canh c6 d dai nho nhit 1a canh BC.

AB=\(2=3) +(0+1) +(-1-4) =33.

BC = J(1=2) +(-2-0)" +(0+1)’ =/6.

Ca=J(1=3) +(=2+1) +(0-4)’ =21.
3\/—

¢) Pung. Dién tich tam giac ABC bang ——
Ta cd6 AB*> = BC? +CA* nén tam gidc ABC vuong tai C. Dién tich tam gidc 4BC la
S :%CA.BC :%\/E.«/ﬂ i( dvdt).

d) Ping. N(3;2;-2)1a diém théa man NA-2NB+AC =0.Khido a+b+c=3+2+(-2)=3
13 mot s6 nguyén to.
NA—-2NB+ AC =0< NA+ AC =2NB < NC =2NB.
Miit khac N—C(l—a;—Z—b;—c),ﬁ(Z—a;—b;—l—C) . Do vay

1—a=2(2—a) a=3

2-b=-2b <<b=2 .

—c=2(—l—c) c=-2
Vay N(3;2;-2).
Hai chiéc flycam dugc diéu khién cung bay lén tai mot dia diém. Sau mot thoi gian bay, chiéc
flycam thtr nhat cach mat dit Sm, cach diém xuét phat 3m vé phia Nam va 2m vé phia Pong.
Chiéc flycam thir hai cach mit dat 5m, cach diém xudt phat 6m vé phia Bic va 6m vé phia
Tay. Chon hé truc toa do Oxyz véi géc O dit tai diém xuét phat cta hai chiée flycam, mit phiang
(Oxy) tring v6i mat dat c6 truc Ox huéng vé phai nam, truc Oy huéng vé phia dong va truc
Oz hudng thang dimg 1én troi, don vi do 13y theo mét.
a) Toa do cua chiéc flycam thu nhat 1a A(3; 2;5 ) . Toa d6 cua chiéc flycam thur hai la
B(-6;-6;5)

b) Diém d6i xtmg ctia 4 qua mat phang toa do (Oxy) 1a 4'(3;2;-5)

¢) Toa d¢ diém M thudc mat phang (Oxy) sao cho M, A', B thang hang la M (-9;-8;10)
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d) Trén mat dat, nguoi ta xac dinh mot vi tri sao cho téng khoang céach tir do dén hai chiéc

flycam ngan nhat. Khoang cach tir diém xuat phat dén vi tri d6 1a 75

Loi giai
| a) DPung | b) Pung ‘ ¢) Sai ‘ d) Sai ‘
- g £
P
o5
t el
/A‘_“: _____ T ,A
l” “'““"_" :
0. : x
|
5 4

a) Pung
Theo gid thiét, 4(3;2;5)va B(-6;—6;5)

b) Piling

Goi A' 1a diém déi xtmg cia A qua mit phing toa do (Oxy), suy ra 4'(3;2;-5)

¢) Sai
Trén mp (Oxy) , XétM(a;b;O).

BM =(a+6;b+6,-5), BA =(9;8;-10).

M, A',B thing hang suy ra BM,BA’ cing phuong, tirc 1a BM = kB—A'(k eR).

a+6=9

Khi d6 ta ¢6 hé phuong trinh sau: <b+6 =8k <

-5=-10k

d) Sai

Goi 7 la diém can tim

3
a=——
2 3
b=-2 :>M(——;—2;Oj

IA+ IB ngan nhit <> IA'+ IB ngin nhat <> I, A', B thang hang ( Vi A’, Btrai phia so v&i mit

phing (Oxy))<:> I =M
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2
. 3

Vay khoang cich can tim 1a OM = \/(_Ej + (—2)2 +0° =2,5.
PHAN III. Cau tric nghiém tra 1o ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Tra loi:

. 3 e C 2 . x> +3x+3 e
Caul: Goi M,m lan luogt la gia tri cuc dai, gia tri cyc ti€u cua ham s6 y = 7 Tinh gié tri ca
X+
biéu thirc M* —2m .
Loi giai
Tra loi: 7
+ Tap xac dinh : D = R\{—Z}

. X +4x+3 , X’ +4x+3 =-3
(x+2) (x+2) x=-1

Béng bién thién
x — -3 -2 -1 +00

1“ '

/"3\ ~_,

Viy M =3 m=1=M>-2m=1.

Cau 2: Trong khong gian, xét h¢ truc toa d0 Oxyz, co géc O trung véi vi tri cia mot gian khoan trén

bién, mat phing (Oxy) tring v6i mat bién (duogc coi 1a mit phang), véi Ox hudng vé phia tay,
Oy huéng vé phia nam, Oz hudng lén troi. Pon vi do trong Oxyz tinh theo km. Radar dit tai
gian khoan phat hién mot tau tham hiém c6 vi tri cach gian khoan 10km vé phia tay, 5km vé
phia nam, va ¢ do sau cach mat nudc bién 4359m. Khoang céch tir radar téi tau tham hiém tinh
theo don vi km lam tron dén hang don vi la

Loi giai

Tra loi: 12

Toa do cua radar 1a (0;0;0). Di don vi 4359m = 4,359%m = 19 km

Page 14

Swu tam va bién soan



Cau 3:
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Chiéc tau tham hiém co toa do 1a (10; 5:— \/19) dbi véi hé truc toa do noi trén (do & do sau cach

mit nuée bién 19 km . Ma Oz hudng 1én troi nén cao d6 4m). Khoang cach tir tau tham hiém

t6i radar 1a V107 +5° 319" =12 k.
Thoi gian (phtt) di chuyén dén trudng ctia nhom hoc sinh trudng THPT Chu Vin An Ha Noi
dugc tong hop dudi bang sau:

Thoi gian [30;40) | [40;50) | [50;60) | [60;70) | [70;80) [80;90)

S6 hoc sinh 2 10 16 8 2 2

Khoang T phan vi ctia mau s6 liéu ghép nhom trén (Iam tron dén hang phan muoi) 1a:

Loi giai
Tra loi: 14,5
Nhom [30;40) | [40;50) | [50;60) | [60;70) | [70;80) | [80;90)
Tan sd 2 10 16 8 2 2
Tan s6 tich luy 2 12 28 36 38 40

S6 phan tir cia mau 1a n=40.

Ta c6: %:10 ma 2<10<12.

Suy ra nhom 2 1a nhém dau tién c6 tan sé tich luy 16n hon hodc bang 10.
Xét nhom 2 1a nhém [40;50) c6 s =40;2=10;

n, =10 va nhém 1 1a nhom [30;40) co cf, =2.

Ta c6 ti phan vi thir nhat:

10_2:10:48

0, =40+

Tacé:g=20 ma 12<20<28.

Suy ra nhém 3 12 nhom dau tién c6 tan s6 tich luy 16n hon hodc bang 20.
Xét nhom 3 1a nhom [50;60) c¢6 r =50;d =10;n, =16 va nhom 2 1a nhoém [40;50) c6 cf, =12;
Ta c6 tu phan vi thu hai:

20-12

Q,=M,=50+ :10=55

Ta co: %1:30 ma 28 <30<36.

Suy ra nhom 4 1a nhém dau tién c6 tan sé tich luy 16n hon hodc bang 30.
Xét nhom 4 1a nhom [60;70) c6 ¢ =60;/ =10;n, =8va nhom 3 1a nhoém [50;60) c6 cf; =28;

Ta c6 tr phan vi thir ba:
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0, :60+30—28

:10=62,5

Khoang tir phan vi la: A, =0, -0, =62,5-48=14,5
Trong khong gian Oxyz, cho A(2;3;1), B(3;—4;1). Biém M €Oy sao cho T =2MA* + MB’
dat gi4 tri nho nhét. Tung d6 diém M bang bao nhiéu? (Lam tron dén sé thap phan thi 2).

Loi giai

Tra loi: 0,67
Vidiém M €Oy suyra M (0;6;0).

2
Ta c6 MA> :(\/22 +(3-b) +12) =22 +(3-b) +1> =4+(h-3) +1;

MB? :(\/32+(—4—b)2 +1 )2 =324 (~4-b) +12=9+(h+4) +1.
Khi do ta co 2MA” + MB® =2(4+(b=3) +1)+(9+(b+4) +1)
=2(4+5>—6b+9+1)+(9+5* +8b+16+1)

=2(b* —6b+14)+(b* +8b+26)

=2h* —12b+28+b* +8h+26
=3b> —4b+54

2
:3[13_%] +138
3 8

2 2
Vi (b—gj >0 voimoi b

2
N 3(p-2) + 138, 158
3 8 3

Dau bang xay ra khi b = % ~0,67.

Vay T =2MA* + MB* dat gia tri nho nhat 13 % khi b= % ~0,67 .

Mot cira hang ban vai Thanh Ha vé6i gia ban mdi kg 1a 50000 dong. Véi gia ban nay thi cira
hang chi ban dugc khoang 25 kg. Cira hang nay du dinh giam gi4 ban, udc tinh néu ctra hang cir
giam 4000 dong cho mot kg thi sd vai ban dugc ting thém 1a 50kg. Xac dinh gia ban dé cira
hang d6 thu dugc loi nhuan 16n nhat (Pon vi nghin dong), biét rang gia nhap vé ban dau mdi kg
la 30000 dong.

Loi giai
Tra 16i: 41

Goi x dong (30000 < x <50000) 1a gia ban vai méi dé cira hang thu dugc loi nhuan 16n nhat.

Suy ra gia ban ra da giam la (50 000 - x) dong.
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50.(50000—x)
4000

Téng sb vai ban duoc 1a 25+ 625—0,0125.x = 650 — 0,0125.x .

=625-0,0125.x.

S6 lugng vai ban ra da tang thém la

Doanh thu cua cura hang 1a (650 - 0,0125.x)x .
86 tién vén ban dau dé mua vai 1a (650—0,0125.x).30000..

Vay loi nhuén cua cura hang la:

(650 - 0,0125.x)x - (650 - 0,0125.x)30000 =-0,0125x> +1025x —19500000 .
Taco: f(x)= —0,0125x” +1025x — 19500000 = —0,0125(x - 41000)2 +1512500 <1512500.

Suy ra max f (x)=1512500 khi x=41000 dong.

Vay gia ban mdi can vai la 41000 ddng thi cira hang thu duoc loi nhuan 16n nhat.

Mot chiée dén tron dugc treo song song véi mat phing nim ngang boi ba soi gidy khong dan
xudt phat tir diém O trén tran nha va lan luot budc vao ba diém M , N,K trén duong tron sao
cho lyc cang F,,F,,F, lan luot trén mdi day OM,ON,OK ddi mot vudng goc véi nhau va
E|=|F,

=|F| =25V3( N). Biét trong luong cuia chiée dén do 1a a(N). Tim a.

Loi giai

Tra loi: 75
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Goi 4,B,C 1an luot 1a cac diém sao cho OA4 = E,@ = FZ,R‘ = f; . Lay cac diém A4',B',
C',0' sao cho OAC'C-BA'O'B’ 14 hinh hop. Khi @0, ap dung quy tic hinh hop, ta co:
0A+0B+0C =00’

—_—

£

F,

=|F|=25V3(N)
nén hinh hép OAC'C-BA'O'B’ ¢6 ba canh 04,0B,0C d6i modt vudng goc nhau va bang nhau.
Vi thé hinh 1ap phuong OAC'C-BA'O'B’ ¢6 d6 dai canh bang 25+/3 suy ra do dai duong chéo
00'=25\3:3=75.

Mt khac luc cac luc cang F, F,, F; do6i mdt vudng goc nhau va

Do chiéc dén & vi tri can bang nén F, + F, + F, = P, & d6 Pla trong lugng tac dung lén chiéc

=25V3-/3=75(N).

den. Vay trong lyc cua chiéc dénla P= ‘7" = ‘70'

Vay a=75.
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PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 07

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

thi sinh chi chon mgt phuwong an.

Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

@T — 00 —1 1 —+ o
y' + 0 — 0 +
3 —+ oo
T / \ /
— 00 —1

Ménh dé nao duéi day dung?

A. Ham s6 nghich bién trén khoang (—1;3).  B. Ham s6 dong bién trén khoang (—1; + ).
C. Ham s0 nghich bién trén khoang (-1;1).  D. Ham s6 dong bién trén khodng (—o0; 1),
Cho ham sé y = f(x) lién tuc va c6 bang bién thién trong doan [—1;3] nhu hinh bén. Goi M 1a

gid tri 16n nhét ctia ham s y = f(x) trén doan [—1;3]. Tim ménh dé dung?

X -1 0 2 3
¥ + 0 - 0 +
3 4
0 1
A. M=7(0). B. M =/(3). C. M =f(2). D. M =f(-1).
- A as R U £ 2x+4 . 2 , .
Tiém can dung cia d6 thi ham so y = la duong thang c6 phuong trinh
x_
A. x=1. B. x=-1. C.x=2. D. x=-2.

Chohams6 y =ax’ +bx’ +cx+d(a,b,c,d € R) ¢6 dd thi nhu hinh v&. Toa do giao diém cua d6

thi ham s6 di cho va truc tung 13

Y
—1 1 2
o T
4 '
A. (-1;0). B. (2;0). C. (0;-4). D. (0;-2).
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Cau 6:

Cau 8:

Cau 10:

Cau 11:
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Cho hinh hop ABCD.A'B'C'D' (xem hinh duéi), tong cia DA+ DC+ DD’ 1a vecto niao dudi

day?

A. DB'.

B. DB.

D

C. BD.

D. BD'.

Trong khong gian Oxyz , hinh chiéu vudng goc cta diém M (5;—1;3) trén mit phang (Oyz) co toa

dola
A. (0;-1;0).

B. (5;0;0).

C. (0;-1;3).
Bang dudi biéu thi két qua diéu tra thoi gian st dung Internet hing ngdy ctia mot s6 ngudi. Tim
khoang bién thién ctia mau s liéu da cho.

D. (-1;3;0).

Thoi gian (phat) | [30;60) | [60;90) | [90;120) | [120;150) | [150;180)
S6 nguoi 2 4 10 5 3
A.120. B. 150. C. 90. D. 180.

Ban Chi rét thich nhay hién dai. Thoi gian tip nhay mdi ngay trong thoi gian gan ddy cta ban
Chi dugc thong ké lai ¢ bang sau:

Thoi gian (phit) | [20;25) | [25;30) | [30;35) | [35;40) | [40;45)
Sb ngay 6 6 4 1 1
Phuong sai ctia miu sb liéu ghép nhom 1a (1am tron dén hang phan trim)
A.31,77. B. 31,25. C. 31,44, D. 32,25.

Cho ham s6 y = ax® +bx? +cx+d 6 dd thi 1a duong cong trong hinh bén. Diém cyc tiéu cia d6

thi ham s d3 cho c6 toa do 1a

S

|

A. (-1;0). B. (0;-1). C. (1;4). D. (0;2).

Khi nudi cé thi nghiém trong hd, mot nha sinh vat hoc théy réng: Néu trén mdi don vi dién tich
ctia mit hd c6 n con c4 thi trung binh mdi con cé sau mdt vu can ndng P(n)=480—20n (gam).

S6 con cé phai tha trén mot don vi dién tich cua mat ho dé sau mot vu thu hoach dugc nhiéu gam
canhat la

A. 14. B. 15. C.12. D. 13.
Gi4 tri nho nhit ctia ham sé y = 1 bang

VXt +1
A. 0. B. 2. C. -1. D. /2.
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Céu 12: Trong khéng gian Oxyz , cho hai vecto u = (2;—1;1), v = (=3;4;-5) . S6 do clia goc giira hai vecto

u va v bang:
A. 150°. B. 120°. C. 60°. D. 30°.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi
cau, thi sinh chon dung hoac sai.

Caul: Chohamsb y=x"-3x"+2.
a) Pao ham cua ham sb da cho 13 y' =3x* —6x.

b) Ham s da cho dong bién trén khoang (0;2) va nghich bién trén cac khoang
(—0;0) U (2;+x).

¢) Bang bién thién ctia ham s6 di cho 1a

X —0 0 2 +a0
.1! ! - 0 -+ Cl -
+00 2
'1, \
-2 —

d) D6 thi ham s6 di cho nhu & Hinh 1.

Hinh 1
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Béc An du dinh xay mot san trudc ctra nha hinh chit nhat ABCD c6 d¢ dai cac canh lan luot 1a
AB =6m va AD = 12m . Pé tién cho viéc thoat nudc khi troi mua va khi rira sin nén bac An
xdy vi tri B va D thap hon vi tri A 1an lugt 1a 8cm va 10cm. Chon hé truc toa 40 Ozyz nhu

hinh v& va két qua 1am tron nguyén dén cm

OA K v
12m 10¢cm
D
H 6m
x B
C

a) b dai AK ~ 1200 cm.

b) Toa do diém D (0;1200;10) .

¢) Goi I 14 tam hinh chit nhat ABCD. Toa do tam I (300;600;9) .

d) Vi tri C thap hon vi tri tri A 1a 18cm.

Gi4 déng cira ctia mot c6 phiéu la gia ciia cd phiéu d6 cudi mot phién giao dich. Bang sau thong

ké gia dong cira (don vi: nghin dong) ctia hai mi c¢6 phiéu 4 va B trong 50 ngay giao dich lién
tiép.

Giadongcira | [120;122) | [122:124) | [124; 126) | [126;128) | [128; 130)

C6 phiéu 4 8 9 12 10 11

Co phiéu B 16 4 3 6 21

a) C& mau cua cb phiéu 4 1a 50
b) Xét mau s liéu ciia ¢b phiéu A ta c6 phuong sai ciia mau sd liéu ghép nhom 13 7,5216
¢) Xét mau s6 liéu ciia c6 phiéu B ta c6 sb trung binh ctia mau s6 liéu ghép nhom 1a 115, 28.

d) Nguoi ta co6 thé dung phuong sai va d6 I¢ch chuin dé so sanh mirc dd rui ro cua cac loai ¢d
phiéu co gia tri trung binh gin bang nhau. C6 phiéu nao c¢6 phuong sai, d léch chuan cao hon
thi dugc coi 1a ¢6 d6 rui ro 16n hon. Theo quan diém trén, thi c6 phiéu 4 c6 do rui ro thap hon
o phiéu B.
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Cau4: Cho tor dién OABC c6 ba canh OA4,0B,0C d6i mdt vudng goc voi nhau vaOA4 =1,0B =2,
OC =3.Diém G 1a trong tAm ciia tam giac ABC.

a) OA+0B+0C =30G.

b) Tich v6 hudng cua hai vecto AB va OG bang 3.
¢) bo dai vecto 0G bang @

d) Khi diém M thay d6i, biéu thic Q = MA® + MB® + MC? + 3MO” dat gia tri nho nhét khi
diém M 1a trung diém cua doan thing OG .
PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:  Trong khong gian v6i hé toa d0 Oxyz, cho vecto G =(-3;2;4) va b (x03¥932,) cung phuong
v6i vecto G. Biét btao v6i tia Oy mot goc tu va [p|=+29. Tinh gia tri biéu thirc
P=x,+y,+z,

Cau2: Mot kién tric su mudn xay dung mot toa nha biéu tuong doc la cho thanh phd. Trén bang thiét
ké toa nha c6 hinh dang 13 mot khi lang tru tam gidc déu, ¢ canh bén 300 mét va canh day va
dai 200 mét (tham khao hinh v&). Kién trac su mudn xay dyung cdy cau hinh HK bic xuyén toa
nha ( diém dau thudc canh A’C, diém cudi thudc canh BC') va cdy cau nay sé dugc dat vang voi
don gia 6 ty dong trén 1 mét dai. Vi vay dé dap tng bai toan kinh té, kién trac su phai chon vi tri
ciy cau sao gia xay cdy cau 1a thip nhat. Hoi gia xdy dung cdy cau nay hét bao nhiéu ty dong?.(
két qua 1am tron dén hang don vi )

A '

B
Cau 3: Hang ngay muc nudc cua mot con kénh 1€n xuong theo thuy tricu. P sau 4 (m) cua myc nuoc

trong kénh tai thoi diém ¢ (h) (0 <t< 24) trong ngady dugc xdc dinh bdi cong thuc
h=2cos (f—zt + %) +5.Goi (a ;b) 1a khoang thoi gian trong ngay ma d6 sau cua muc nudce trong

kénh ting dan. Tinh gia tri ctia a+b .
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Cau 5:

Ciu 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Mot cira hang tra sira sip khai truong dang nghién ctru thi truong dé dinh gia ban cho mdi cdc
tra sira. Sau khi nghién ctru, ngudi quan 1y thdy ring néu ban véi gia 14 000 dong mot coc thi
mdi thang trung binh s& ban duoc 3 000 cbe, con tir muc gia 14 000 dong ma ci ting thém 1 000
d6ng thi s& ban it di 100 cbc. Biét chi phi nguyén vat lidu dé pha mot cdc tra sira khong thay doi
13 12 000 dong. Hoi cira hang phai ban mdi cdc tra sita v6i gia bao nhiéu nghin dong dé dat dugc
lgi nhuan 16n nhét?

Hai chiéc khinh khi ciu cing bay 18n tai mot dja diém. Sau mot gio bay, chiéc khinh khi cau thi
nhét cach diém xuat phét vé phia Pong 100 (km) va vé phia Nam 80 (km), dong thoi cach mit
dat 1 (km). Chiéc khinh khi cau thir hai cach diém xuat phat vé phia Bic 70 (km) va vé phia
Tay 60 (km), dong thoi cach mat dat 800 (m). Xac dinh khoang cach (km) giira hai chiéc khinh
khi cau sau mot gio bay. (don vi km, két qua lam tron dén hang don vi)

Trong khong gian Oxyz, cho hai diém A(L;2;1) 5 B(2-1;3) va diém M (a;6;0) sao cho

MA? + MB* nhé nhit. Gia tri cia a+b bang bao nhiéu?

Page 6

Swu tam va bién soan
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon m¢t phuong an.

Cau 1:

Cau 3:

Cho ham sé y = f(x) c6 bang bién thién nhu sau:

—1 1

-+ 0 — 0

— 2D

Ménh dé nao duéi day dung?

A. Ham s6 nghich bién trén khoang (—l; 3) :
C. Ham sb nghich bién trén khoang (—1; 1) .

Loi giai

Dua vao bang bién thién cia ham s6 y = f(x).

B. Ham s6 dong bién trén khoang (—1; + ).

D. Ham s6 dong bién trén khoang (—oo; 1).

Cho ham s6 y = f(x) lién tuc va c6 bang bién thién trong doan [—1;3] nhu hinh bén. Goi M 1a

gia tri lon nhét ctia ham sb y=f (x) trén doan [—l; 3] . Tim ménh dé dang?

X -1 0 2 3
¥ + 0 - 0 +
5 4
0 1
A. M= f(0). B. M =/(3). C. M=f(2). D. M =f(-1).

Loi giai

Dua vao bang bién thién cua ham sb y = f (x) trén doan [—1; 3] .

Tiém cén ding ctua do thi ham s6 y =

2x+4

x—1

A x=1. B. x=-1. C.x=2

Loi giai

1a duong thang co phuong trinh

D. x=-2.

Taco limy =+wo = Do thi ham s6 c6 mot duong tiém can dimg la x=1.

x—1*

Cho hamsb y=ax® +bx* +cex+d (a,b,c,d €R) co d6 thi nhu hinh v&. Toa d6 giao diém cta d6

thi ham s d3 cho va truc tung la

Swu tam va bién soan
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Ciu 5:

Cau 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Y

|
—_
U (Y
[SW]

A. (-1;0). B. (2;0). C. (0;-4). D. (0;-2).
Loi gidi
Tir d6 thi, ta d€ thay dd thi ham s6 cdt truc tung tai diém c6 toa do (0;-2).

Cho hinh hop ABCD.A'B'C'D' (xem hinh duéi), téng cia DA+ DC + DD’ 1a vecto nao duéi
day?

A. DB’ B. DB. C. BD. D. BD'.
Loi giai
Theo qui tic hinh hép DA+ DC + DD’ = DB .
Trong khong gian Oxyz , hinh chiéu vudng goc ctia diém M (5;—1;3) trén mit phang (Oyz) co toa
do la
A. (0;-1;0). B. (5;0;0). C. (0;-13). D. (-1;3;0).
Loi giai
Bang dudi biéu thi két qua diéu tra thoi gian st dung Internet hing ngay ctia mot s nguoi. Tim
khoang bién thién ctia mau s6 liéu di cho.

Thoi gian (phat) | [30;60) | [60;90) | [90;120) | [120;150) | [150;180)

S6 ngudi 2 4 10 5 3
A.120. B. 150. C. 90. D. 180.
Loi giai

DPau mut phai ctia nhom ghép cubi cung 1a 180,
Pau mut trai ciia nhom ghép dau tién 1a 30.

Vay khoang bién thién ctia mau s6 liéu 1a R=180-30=150.
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Cau 9:

Cau 10:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Ban Chi rat thich nhay hién dai. Thoi gian tdp nhay mdi ngay trong thoi gian gan ddy cua ban
Chi dugc thong ké lai ¢ bang sau:

Thoi gian (phit) | [20;25) | [25;30) | [30;35) | [35;40) | [40;45)
Sb ngay 6 6 4 1 1
Phuong sai ctia miu sd liéu ghép nhom 13 (Iam tron dén hang phan tram)
A.31,77. B.31,25. C.31,44. D. 32,25
Loi giai
+Co mu: n=18.
Thoi gian (phut) | [20;25) | [25;30) [30;35) | [35;40) [ 40; 45)
Gid trj dai dign 22,5 27,5 32,5 37,5 42,5
So6 ngay 6 6 4 1 1

+ S6 trung binh ctia miu s6 liéu ghép nhom 1a:
22,5.6+27,5.6+32,5.4+37,5.1+42,5.1 85

18 3

X =

+ Phuong sai cia mau s0 liéu ghép nhom la

2
S? = %(22, 5%.6+27,5°.6+32,5%2.4+37,5%.1+42,5% 1) —(?J =31,25.

Cho ham s6 y = ax® +bx*> + cx+d ¢6 dd thi 12 duong cong trong hinh bén. Diém cyc tiéu cia dd

thi ham s d3 cho co toa do 1a

S

\

A. (-L0). B. (0;-1). C. (;4). D. (0;2).
Loi giai
Ttr d6 thi, ta c6 d6 thi ham sé di cho ¢6 diém cyc tiéu 1a (=1;0).
Khi nuéi ca thi nghiém trong hd, mot nha sinh vat hoc thdy rang: Néu trén mdi don vi dién tich
clia mat hd ¢6 n con ca thi trung binh mdi con ¢4 sau moét vy cin ning P(n) =480—-20n (gam).

S6 con cé phai tha trén mdt don vi dién tich ctia mat hé dé sau mdt vu thu hoach dugc nhiéu gam
canhat la

A. 14. B. 15. C.12. D. 13.

Loi giai
Can ndng cua n con ca la: f(n) = nP(n) =480n—20n".
Xétham so f(n)=-20n" +480n trén (0;+).

f'(n)=-40n+480=0=n=12.
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Lap bang bién thién:
n 0 12 +o0
70) r o -
2880

£(n) 0/\

Vay thu hoach san lugng ca nhiéu nhéat thi phai tha trén mot don vi dién tich mat hd 14 12 con

ca.
Cau 11: Gi4 tri nho nhit cia ham s§ y = 1 bang
x> +1
A. 0. B. 2. C. 1. D. 2.
Loi giai
e

Tap xac dinh ctia ham s61a D=R.Taco y'= =

yV=0x+1=0 x=-1.

Bang bién thién:
X | —oo -1 +00
V' - 0 -
1 \ / 1
g A

Ttr bang bién thién ta c6 n}Rin y= 2.
Cau 12: Trong khong gian Oxyz , cho hai vecto u = (2;—1;1), v = (-3;4;-5) . S do ciia gbc giira hai vecto
u Vi v bang:
A. 150°. B. 120°. C. 60°. D. 30°.
Loi giai
- - 2.(=3)+(-1).4+1.(-5) _E)

Ta co: cos(u;v)— =

e S

S6 do cuia goc giita hai vecto u va v bang: (&,\7) =150°.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.
Caul: Chohamsd y=x"-3x"+2.
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a) Pao ham cua ham sb da cho 13 y' =3x" —6x.

b) Ham s6 di cho dong bién trén khoang (0;2) va nghich bién trén cac khoang
(—00;0) U (2;+00) .

¢) Bang bién thién ctia ham sb da cho 1a

X —an 0 2 40
y' - 0 + 0 -
400 2
’ \
) —o0

d) D6 thi ham s6 da cho nhu & Hinh 1.

T
5 -
-2
Hinh 1
Loi gidi
| a) bung | b) Sai ‘ ¢) Sai ‘ d) Sai ‘

a) Ping. Ta c6: )’ =3x" —6x,
b) Sai.

¢)Sai. y’=0< x=0 hodc x=2.

Béng bién thién cua ham s6 da cho la:
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X |- 0 2 + o0

y' + 0 ~ 0 +

Py

Ham s6 ddng bién trén cac khoang (—o0;0) va (2;+00), ham s6 nghich bién trén khoang (0;2).

d) Sai. D6 thi ham s da cho la:

Cau 2: Bac An dy dinh xdy mot san trude cira nha hinh chit nhat ABCD ¢6 d6 dai cac canh 1an luot 12
AB = 6m va AD = 12m . Dé tién cho viéc thoat nuée khi troi mua va khi rira sin nén bac An
xay vitri B vaD thép hon vi tri A 14n luot 13 8cm va 10cm. Chon hé truc toa do Ozyz nhu

hinh v€ va két qua lam tron nguyén dén cm

0A K y
lzm 10Cm
% D
H m
x B
C

a)Pbo dai AK ~ 1200 cm.

b) Toa do diém D (0;1200;10) .
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Cau 3:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
¢) Goi I 14 tam hinh chit nhat ABCD. Toa do tam I (300;600;9) .

d) Vi tri C thap hon vi tri tri A 1a 18cm.
Loi giai
¢)Sai |

| a)yPing | b)Sai | d) Ping

a)Ping. AK = VAD® — DK? = 1200° — 10? ~ 1200 cm.

b) Sai. D(0;1200;—10) .

¢) Sai. AH = AB* — BH® = 600° — 8 ~ 600 cm

= B(600;0;~8)
= 1(300; 600;—9)

d) Biing. AB = (600;0;~8); DC = (2,5, —1200;2, + 10)

z, = 600 z, = 600
AB = DC =y, —1200 = 0 = 1y, = 1200 = C (600;1200; ~18)

z, +10=-8 z, =—18
nén C thap honvitri A 18 cm.
Gi4 déng cira ctia mot c6 phiéu la gia ctia cd phiéu d6 cudi mot phién giao dich. Bang sau thong
ké gia dong ctra (don vi: nghin dong) cuia hai ma c6 phiéu A4 va B trong 50 ngay giao dich lién
tiep.

Giadongcira | [120; 122) | [122;124) | [124;126) | [126;128) | [128; 130)
C6 phiéu A 8 9 12 10 11
Co phiéu B 16 4 3 6 21

a) C& mau cua cb phiéu 4 1a 50

b) Xét mau sb lidu ctia co phiéu A ta co phuong sai ctia mau s6 liéu ghép nhém 1a 7,5216

¢) Xét mau s6 liéu ctia c6 phiéu B ta c6 sb trung binh ctia mau sé liéu ghép nhom 1a 115,28.

d) Ngudi ta c6 thé dung phuong sai va do l1éch chuin dé so sanh mirc do rui ro ciia cac loai b
phiéu co gia tri trung binh gin bang nhau. C6 phiéu ndo c¢6 phwong sai, d léch chuan cao hon

thi dwoc coi 13 c6 d6 rai ro 16n hon. Theo quan diém trén, thi c¢6 phiéu 4 c6 d6 rui ro thip hon
o phiéu B.

Loi giai
| aybing | b)Ping | oSai | d)Ding
Ta c6 bang thdng ké gia dong ctra theo gia tri dai dién:
Gia dong cita 121 123 125 127 129
C6 phiéu 4 8 9 12 10 11
C6 phiéu B 16 4 3 6 21

Swu tam va bién soan
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Cau 4:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
- Xét mau sd liéu cua cd phiéu 4 :
C& miu ciia c6 phiéu 4: n, =8+9+12+10+11=50. a) Piling

S6 trung binh ctia mau s6 liéu ghép nhom 1a

<= 8.121+9.123+12.125+10.127+11.129
=
50

=125,28.
Phuong sai ctia mau s6 liéu ghép nhom la

S? =%(8.1212 +9.123” +12.125* +10.127° +11.129% ) - (125,28)* = 7,5216.. b) Diing

Do 1éch chuin cua mau s6 liéu ghép nhom la S, = 1/Sf =4/7,5216.
- Xét mau s liéu cta c6 phiéu B :
S trung binh ctia mau sb liéu ghép nhom 1a

- 16.121+4.123+3.125+6.127+21.129
L=
50

=125,28. c¢) Sai
Phuong sai cia mau s6 liéu ghép nhom la

S3 =%(16.1212 +4.123° +3.125° +6.127° +21.1292)—(125,48)2 =12,4096.

Do 1éch chuin cua mau s6 liéu ghépnhomla S, = «/Szz =/12,4096 .

Vay néu danh gia d6 rui ro theo phuong sai va do 1éch chuan thi ¢ phiéu 4 co6 d6 rui ro thap
hon c6 phiéu B . d) Ping

Cho t&r dién OABC c¢6 ba canh OA4,0B,0C d6i mdt vudng géc voi nhau vaOA4 =1,0B =2,
OC =3.Diém G la trong tAm clia tam giac ABC.

a) OA+0B+0C =30G.
b) Tich v hudng cuia hai vecto AB va OG bang 3.

. . 14
¢) B¢ dai vecto OG bang g
d) Khi diém M thay doi, biéu thic Q = MA® + MB* + MC? + 3MO? dat gia tri nho nhét khi
diém M 1a trung diém ctia doan thang OG .
Loi giai
| a)Ping | b)Sai | c¢)Ping | d)Ping
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a) Diém G 1a trong tim ctia tam gidc ABC nén 0A+0B+0C =30G.. Suy ra ménh d¢ diing.

b) Ta c6 AB.OG =%(5§—5§1).(574+5E+56) =%(OB2 —04?)=1. Suy ra ménh d¢ sai.

14 J14

¢) Ta c6 @:%(@+@+0—C'):>0G2 :%(0A2+OBZ+OC2)=?:>OG:T. Suy ra
ménh d¢ ding.

d) Goi diém 7 1a diém thoa man IA+IB+IC+310=0.Tac6 3IG+310=0,suyra I 1a
trung diém cua doan thang OG .

G, B S — —2 —  —\2 —  —\2 —  ——\2 —_— —\2
Tacé: Q=MA +MB +MC +3MO :(M1+1A) +(MI+IB) +(M1+IC) +3(M1+10)
=6M12+2W(Q+E+TC+3TO)+1A2+132+102+3102
=6MI* + 14> +IB* + IC* + 310" .
Do IA* + IB* + IC* + 310" khong d6i nén O nho nhat khi M tring 7 .

Suy ra ménh dé diing.
PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau1:  Trong khong gian véi h¢ toa do Oxyz, cho vecto @ =(~3;2;4) va b (x,;y32,) cing phuong
voi vecto & . Biét b tao voi tia Oy mot goc tu va ‘5‘:\/@ . Tinh gid tri biéu thirc
P=x,+y,+z,

Loi giai
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Cau 2:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

. x, =3k
Vi b cung phuong v6i @ = j = ki = v, =2k
z, =4k

Lai c6 [B| =29 e [(-3k)" + (26) +(4k) =329 & k=21

Vi k=1=b=(-3;2;4)

5
L7

Khi d6 cos(5,0p) == trong do b.j = (-3).0+2.1+40=2>0

Suy ra goc tao boi b va Oyla goc nhon (loai)

Sy k="1=0 =(3;-2;-4)

Khi d6 cos (I;, Oy) = |[;E||jﬂ , trong do 5] =3.0+(-2).1+(-4).0=-2<0
|7

Suy ra gbc tao boi b va Oy la goc tu (nhan)

Do d6 b =(3;-2;-4) = x,=3,y, =2z, =4
Vay P=x,+y,+z, =3+(_2)+(_4)=_3

Mot kién tric su mudn xay dung mot toa nha biéu tugng doc la cho thanh phd. Trén bang thiét
ké toa nha c6 hinh dang 1a mot khoi ling tru tam gidc déu, c6 canh bén 300 mét va canh day va
dai 200 mét (tham khao hinh v&). Kién tric su mudn xdy dung cdy cau hinh HK bic xuyén toa
nha ( diém dau thudc canh A’C, diém cudi thudc canh BC ") va cay ciu nay s€ dugc dat vang véi
don gia 6 ty dong trén 1 mét dai. Vi vay dé dap g bai toan kinh té, kién trac su phai chon vi tri
ciy cau sao gia xay cdy cau 1a thip nhat. Hoi gia xdy dung cdy cau nay hét bao nhiéu ty dong?.(
két qua lam tron dén hang don vi )

A '

B

Loi giai
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Tra loi: 569
Chon h¢ truc Oxyz nhu hinh vé sau:
Goi O 1a trung diém canh BC.

A c’

A0 =1004/3;08 = 0C =100
Ta co:
0(0;0;0), 4(0;100+/3;0); 4°(0;100/3;300), B(100;0;0),C (~100;0;0),C"(~100;0;300)

Pé tién x4y cau thap nhét thi cdy cau phai ngan nhat. Ttc 13 chiéu dai ciy cau la khoang cach
giita hai dudng thang A'C va BC'.

W:(—loo;—100\/§;—300) Sa :(1;J§;3)

BC'=(~200;0;300) —b=(-2;0;3)
BC =(~200;0;0)
a,b|BC| |(3v3:-9:24/3).(~200;0:0)

[a.5] (3v3:-9:243) 2430
Viy gia xay dung cdy cau nay 1a 30+/10.6 =180~/10 = 569 ty dong.
Héng ngay muc nudc ctia mt con kénh 1én xuéng theo thily triéu. Do sau / (m) clia muc nudc
trong kénh tai thoi diém ¢ (h)(0<s<24) trong ngay duoc xéc dinh bodi cong thic
h=2cos (T—Zt + %j +5.Goi (a;b) lakhoang thoi gian trong ngdy ma do su cua myc nudc trong
kénh ting dan. Tinh gia tri ctia a+b .

Loi giai
Tra loi: 28
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEOQ FORM BGD 2025
1 . 1
Taco h(r)= 200s(f—2+%j+5 =N (1) = —%sm(ﬁ—wtzj.

h'(t)zO@sin(%+%j:0©ﬂ+§:k7z Sit=-4+12k (keZ).

12

Ma 0<t<24 nén 0s—4+12k£24<:>%£kgg:>ke{1;2}.

, t=8
Do do h (t):():{t—m
t 0 b 20 24
" o+ o -
3] 7
hit) \ / \
3 6

= h(t) dong bién trén khoang (8;20) hay trong khoang tir 8h dén 20h d¢ sau clia mye nuéce
trong kénh ting dan.
Vay a=8;b=20 va a+b=28.

Ciu4: Mot cira hang tra sita sap khai truong dang nghién ctru thi truong dé dinh gia ban cho mdi coc
tra sitta. Sau khi nghién ctru, ngudi quan 1y thdy rang néu ban véi gia 14 000 dong mot coe thi
mdi thang trung binh s& ban duoc 3 000 cdc, con tir muc gia 14 000 ddng ma c ting thém 1 000
d6ng thi s& ban it di 100 cdc. Biét chi phi nguyén vat liéu dé pha mot cdc tra sita khong thay d6i
1 12 000 dong. Hoi clra hang phai ban mdi cdc tra sira v6i gia bao nhiéu nghin dong dé dat dwoc
loi nhuan 16n nhat?

Loi giai
Tra loi: 23
Goi x 12 gia ban mdi cdc tra sira
Khi do, sb luong tra stra ban dugc la

3000- 514990 1 00—4 400- %
1 000 10

2
X

Loi nhuan f (x) =(4 400—%)();—12 000) =—=-+4 600x~52 800 000

f(x)<f _ﬂ?? = £(23 000)
2.
10
Cau5:  Hai chiéc khinh khi cau cting bay 1én tai mot dia diém. Sau mét gio bay, chiéc khinh khi cau thir
nhit cach diém xuat phat vé phia Dong 100 (km) va vé phia Nam 80 (km), dong thoi cach mit
dat 1 (km). Chiéc khinh khi ciu thir hai cach diém xuat phat vé phia Bic 70 (km) va vé phia
Tay 60 (km), ddng thoi cach mat dat 800 (m). Xac dinh khoang cach (km) giita hai chiéc khinh
khi cau sau mot gio bay. (don vi km, két qua lam tron dén hang don vi)
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Cau 6:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Loi giai
Tra loi: 220

Chon hé truc toa d6 Oxyz , voi géc dat tai diém xuét phat cua hai chiéc khinh khi cau, mat
phang (Oxy) tring voi mat dét, truc Ox hudng vé phia Bic, truc Oy hudng vé phia Tay, truc

Oz huéng thang dimg 1én troi, don vi do 1ay theo kilémét (nhu hinh v§).

Tay

(@)

I
Bac
Chiéc khinh khi cAu tht nhat c6 toa d6 (—100;-80;1).
Chiéc khinh khi cau tht hai c6 toa do (70;60;0,8) .

Khoang cach giita chiéc khinh khi cau thir nhét va chiéc khinh khi cau thir hai 1a

J(=100-70)* + (~80 — 60)? + (1-0,8)* ~ 220 (km).
Trong khong gian Oxyz, cho hai diém A(l;2;1) ; B(2;—1;3) va diém M(a;b;O) sao cho
MA? + MB? nho6 nhat. Gia tri cia a +b bang bao nhiéu?
Loi giai

Tra loi: 2
Ta thdy M (a;b;0)€(Oxy).
Goi [ (%;%;2) 1a trung diém ctia doan thang AB , ta c6

[, B —) —  ——\2 — ——\2
MA® + MB* =MA +MB =(IA—IM ) +(IB—-1M )
~(" + IV 2040 |+ (1B + IV ~21B.10 |

s 1 AT T TR = g2 s ABT o

= IM* +214° =2IM (I4+ IB ) = IM + =M AT
Boi vdy MA® + MB* nho nhat < IM ngin nhat < M la hinh chiéu vudng goc ciia / trén

. . 31 3 1 3 1
mat phang (Oxy). Béivay M| —;—;0 |.Nhuvady a=—,b=—=a+b=—+—=2.
it phang (Oxy) y (2 > j ya=2.b=2 >+3

Page 19

Swu tam va bién soan



DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 08

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 4:

Cau 5:

Ciu 6:

thi sinh chi chon mgt phuwong an.
Trong khong gian cho hinh hop ABCD.A'B'C'D' (nhu hinh v&). Khang dinh nao sau déy 1a sai?

B c
A D
B C
Al 5
A. AC=AB+BC. B. AC=AB+AD. C. AC=AB+C'B'. D. AC=AB+B'C".
Trong khong gian véi h¢ truc toa d0 Oxyz. Cho vec-to u = 20 +k . Toa d0 cua vec-to u la:
A. u=(2;0;1). B. u =(2;1;0). C. u=(2;0;0). D. u=(2;1;1).

Trong khong gian v6i hé truc toa dd Oxyz. Cho hai diém M (2;1;2) va N (4;5;—6). Toa do trung

diém I cua doan thang MN 1a
A. 1(6;6;-4). B. 1(3;3;-2). C. 1(2;4;-8). D. 1(-2;—4;8).

Cho ham s y = f(x) 6 dd thi 1a hinh v& bén dudi.

y

., |
(0] 1 X
-4
Ham s6 d3 cho dat cuc dai tai diém nao?
A. x=0. B. x=-4. C.x=1. D. x=-2.
. . , 6 s
Tiém cén ding cua do thi ham s6 y = la duong thang
x —
A. x=3. B. x=2. C. x=-3. D. x=-2.

Do thi sau day 1a cua ham s6 nao

INA

3

A. y:x?—x+1. B.y=-x"+3x-1. C.y=2x-6x+1. D.y=x"-3x+1.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GKI TOAN 12

Cho ham s0 y =sin’ x—3sinx+1 xét trén [0;7]. Gia tri 16n nhat ciia ham s6 bang

A. 0. B. 2. C. 1. D. —-1.

Mot vuon tha ghi lai tudi tho (don vi: nam) caa 20 con hé va thu duge két qua nhu sau:
Tubi tho [14:15) [15:16) [16:17) [17:18) [18:19)
S6 con ho 1 3 8 6 2

Nhom chira tt phan vi thi nhat 1a

A. [14;15). B. [15;16). C.[16;17). D. [17;18).

MGdi ngay bac Huong déu di bd dé rén luyén stc khoé. Qua thong ké quang dudng 20 ngay di bo
(don vi: km) cia bac Huong tinh dugc phuong sai ctia mau sd liéu ghép nhom 12 0,1314. Bo l1éch
chuén ctia mau s6 liéu trén 1a

A. 3,39. B. 11,62. C. 0,36. D. 0,13.

Trong 5 gidy dau tién, mot chat diém chuyén dong voi van téc co phuong trinh 1a
v(t) = -3t> +12¢+1. Trong d6 ¢ tinh bang gidy, s tinh bang mét. Chat diém c6 van tbc tirc thoi
16n nhat bang bao nhiéu trong 5 gidy dau tién d6?

A. 14. B. 13. C.2. D. 1.

Trong khong gian Oxyz cho hinh lap phuong ABCD.EFGH c6 canh a (nhu hinh v&). Tinh tich
v6 hudng cua hai vec-to BC va AH 1a sb nao?

E F

D" ¢

2
A a. B.%. C. a°. D. 1.

Xét mot chit diém chuyén dong doc theo truc Ox . Toa dd cia chit diém tai thoi diém 7 duge xac
dinh bai ham s x(¢£) = — 61> +9¢ v&i ¢t > 0. Khi d6 x'(¢) 1a van toc cua chat diém tai thoi diém
t, ki hidu v(7), va v'(t) 1a gia téc chuyén dong cta chat diém tai thoi diém ¢, ki hiéu 13 a(r).
Trong khoang thoi gian nao van tdc cua chat diém ting?

A. (2;+00). B. (0;2). C. (—;2). D. (0;+00).

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho ham s f(x)=x"Inx.

a) Tap xac dinh ciia ham s& f(x) 13 D = (0;+00).
b) Gia trj 16n nhat ciia ham s6 f(x) trén [L;e] 1a ¢’ .

¢) Him s6 f(x) co diing mot diém cuc tri.

. . 1
d) Ham s0 f(x) dat cyc tiéu tai x = v
e
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Cau 2:

Cau 3:

Cau 4:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025
Trong khéng gian cho hinh 1ap phuwong ABCD.A'B'C’D’ ¢6 canh bang a . Goi / 1a tam cta hinh
vudng ABCD, goi G la trong tAm cuia tam giac AB'C.
a) E} — 4B + AD + A4’ .
b) AC'BD=0.

c) BD' =2BG .

MN m

d) Goi M, N lan luot 14 hai diém trén AC va DC’sao cho MN //BD’.Khi d6 Pria S
n

nguyén td ciing nhau) thoa man 2m +3n=13.
Béng tan s6 ghép nhom dudi ddy théng ké sb gio tu hoc cua cac hoc sinh 16p 12A va 12B

Thoi gian ( gio) [0;1) [1;2) [2;3) [3;4) [4;5)
S6 hoc sinh nam 24 26 25 15 10
S6 hoc sinh nit 14 28 30 31 8

a) Khoang bién thién ctia mau s6 liéu ghép nhom ve thoi gian tu hoc cia cac bannir1a 5.

b) T phan vi thir nhat ctia miu sé liéu ghép nhom vé thoi gian tu hoc cta cac ban nam x4p xi
1,019.

¢) Khoang tir phan vi ciia mau s6 lidu ghép nhom vé thoi gian tu hoc ctia cac ban nam 1a 1,962.

d) Thong qua ddi chiéu khoang t&r phan vi cua hai mau sb liéu ghép nhom ta thay thoi gian tu
hoc cua s6 hoc sinh nit phan tan hon thoi gian tu hoc cta s6 hoc sinh nam.

Mot ho 1am nghé dét vai lua to tim san xuat mdi ngay duoc x mét vai lya (1< x<18). Tong chi
phi san xudt x mét vai lya, tinh biang nghin dong, cho boéi ham chi phi:
C(x) =x" —3x* —20x +500.

Gia st ho 1am nghé dét nay ban hét san pham mdi ngdy véi gia 220 nghin dong/mét.

Goi B(x) la doanh thu va L(x) la loi nhuan thu dugc khi ban x mét vai lua.

a) Biéu thirc tinh B(x) theo x 1a B(x)=220x (nghin dong).
b) Biéu thirc tinh L(x) theo x1a L(x)=—x"+3x> +220x+500 (nghin dong).

¢) HO 1am nghé dét nay can san xuat va ban ra mdi ngay 10 mét vai lya dé thu dugc lgi nhuén toi
da

d) Loi nhuan t5i da ctia ho lam nghé dét vai lua to tim c6 thé dat duoc 1a 1300 (nghin dong).

PHAN III. Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Mot cira hang trung binh ban dugc 120 cai Tivi mdi thang véi gid 12 triéu dong mot cai. Cha
ctra hang nhan thiy rang, néu giam gia ban mdi c4i 500 ngan dong thi sb lwong tivi ban ra s& ting
thém 10 cai mdi thang. Hoi cira hang nén ban véi gia bao nhiéu dé doanh thu ctra hang 1a 16n
nhét (tinh theo don vi 14 triéu déng)?
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Cau 2:

Cau 3:

Cau 5:

Ciu 6:

DE ON TAP KIEM TRA GKI TOAN 12
Vi hé toa @ Oxyz cho trude, biét mot may bay Airbus chd hanh khac dang bay véi véc to van

toc a (300; —200; 400), don vi van tbc 1a: km/h. Mot may bay quéan sy B bay nguoc chidu co toc

d6 gap 2 lan téc do ciia may bay Airbus. Biét tir luc bit ddu gip may bay Airbus may bay quan
su cach dich dén 250km . Tim thoi gian dé dén dich ciia may bay B (don vi gio, két qud lam tron
dén hang phan triam).

e

Mot doanh nghiép tu nhan chuyén kinh doanh xe gin may cac loai. Hién nay doanh nghiép dang
tap trung vao chién lugc kinh doanh xe X véi chi phi mua vao mét chiée xe X gia 30 triéu dong
va ban ra véi gia 35 triéu dong. Vi gia ban nay s lugng xe X ma khach hang d3 mua trong mot
nam 13 400 chiéc. Nham muyc tiéu ¢y manh hon nita lugng tiéu thu xe X dang ban, doanh nghiép
du dinh giam gia ban. B phan nghién ctru thi truong udce tinh néu giam 1 triéu déng mdi chiée
thi s6 lwong xe ban ra ting thém 100 chiéc mdi ndm. Hoi theo d6 gia ban méi mdi chiée xe X 1a
bao nhiéu triéu déng dé thi loi nhudn thu vé nhiéu nhat.

Nguoi ta ghi lai tudi tho cia mot s6 con Ong duoc két qua nhu bang sau:

Tubi tho [0:20) [20:40) [40:60) [60:80) [80:100)
S6 lwgng 5 12 23 31 29

Tinh khoéang t& phan vi ciia mau sd liéu ghép nhom trén (két qua lam tron dén hang phan chuc).
Trong khong gian v6i hé toa dd Oxyz, cho ba diém A(4;3;1), B(3;1;3),7(1;2;-1); M 1a diém
thay doi nhung ludn cach diém 7 mot khoang béng 3. Goi m,n lan luogt 1a gia tri lon nhat, nhod
nhit cta biéu thuc P =2MA> — MB>. Tinh gia trj 40.(m—n).

Theo ddi thoi gian di tir nha dén truong ciia ban A trong 35 ngay, ta c¢6 bang s liéu sau: (don vi
pht)

Lép [19;21) | [21;23) | [23;25) | [25:27) | [27;29]
Tan s 5 9 10 7 4 35

Cong

Tinh phuong sai ciia mau (chinh xac dén hang phan tram).
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 4:

thi sinh chi chon m¢t phuong an.
Trong khong gian cho hinh hop ABCD.A'B'C'D’ (nhu hinh v&). Khang dinh nio sau déy 1a sai?

B c
A D
B C
Al 5
A. AC=AB+BC. B. AC=AB+AD. C.AC=AB+C'B'. D. AC=AB+B'C".
Loi giai

Theo quy tic cong 2 vec-to. A va D ding.
Quy tic hinh binh hanh. B ding.
Trong khong gian véi hé truc toa dd Oxyz. Cho vec-to i = 2i + k. Toa d0 cua vec-to u la:
A.u=(2;0;1). B. u =(2;1;0). C. u=(2;0;0). D. u=(2;1;1).
Loi giai
vec-to ii = xi + ) +zk < ii =(x;;2).
Trong khong gian v6i hé truc toa do Oxyz. Cho hai diém M (2;1;2) va N (4;5;—6) . Toa d¢ trung
diém I cia doan thang MN 1a

A. 1(6;6;-4). B. 1(3;3;-2). C. 1(2;4;-8). D. 1(-2;-4;8).
Loi giai
x,:xM+xN :2+4:3
2 2
Toa dd trung diém 7 ctia doan thang MN 1a { y, = Y ;yN = 1;5 =3 = 1(3;3;,-2)
Z, = Zy T2y _ 2+ (-6) _
2 2
Cho ham s0 y = f (x) c6 db thi 1a hinh v& bén dusi.
y
-2
(0] 1 x
-4
Ham s6 da cho dat cuc dai tai diém nao?
A. x=0. B. x=—4. C.x=1. D. x=-2.
Loi giai
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Cau 5:

Cau 6:

Cau 7:

DE ON TAP KIEM TRA GKI TOAN 12

Ham so dat cuc dai tai diem x =-2.

. A , 9 A . \ A 6 \ \ <
Ti€m cén ding cua do thi ham sé y = al la duong thang

x_
A. x=3. B. x=2. C. x=-3. D. x=-2.
Loi giai
. 3x+6 . 3x+6 . .
Ta c6 lim al 5 =+, lim al 5 =—oo nén duodng thang x = 21a ti€ém céan dung.
x—2" X — x—o2" X —

Do thi sau day 1a cua ham so nao

INA

3

A. y:%—x+l. B.y=—x"+3x-1. C.y=2x-6x+1. D.y=x"-3x+1.

Loi giai

Ham s6 ddng bién trén khoang (l; +oo) = a>0=Loai B

Ham s6 di qua diém c6 toa do (,—1)= Loai A,C.

Cho ham sb y =sin’ x—3sinx+1 xét trén [O; 7[] . Gia trj 16n nhét cia ham sb béng

A. 0. B. 2. C. 1. D. —1.
Loi giai

bit ¢ =sinx,xe[0;7] =t €[0;1].

Bai toan tro thanh tim gid tri 16n nhat cia ham sb y =’ —3¢+1 trén [O; 1] .

t=1e [0;1]

=3 -3=)y =0
4 4 t=—1¢[0;1]

rgilxy:max{y(O);y(l)} =max {1;-1} =1.

Mot vuon tha ghi lai tudi tho (don vi: nam) caa 20 con hé va thu duge két qua nhu sau:

Tubi tho [14:15) [15:16) [16:17) [17:18) [18:19)

Sé con hé 1 3 8 6 2

Nhom chira tt phan vi thi nhat 1a

A. [14:15). B. [15:16). C. [16:17). D. [17:18).

Loi giai
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

n 20 . , J4 9 X A q1:a A 7
Ta co: 22725 va 1+3<5<1+3+8 nén t& phan vi thir nhat cia mau so li¢u thugc nhom

[16;17)

MJi ngay bac Huong déu di bo dé rén luyén sirc khoé. Qua théng ké quing duong 20 ngay di bd
(don vi: km) ctia bac Huong tinh dugc phuong sai ciia mau sd liéu ghép nhom 13 0,1314. Do 1éch
chuan ctia mau sd liéu trén 1a

A. 3,39. B. 11,62. C. 0,36. D. 0,13.

Do léch chudn 1a s =/0,1314 ~ 0,36
Trong 5 gidy dau tién, mot chat diém chuyén dong voi van téc co phuong trinh 1a
v(t) = —3¢> +12¢+1. Trong d6 ¢ tinh bang gidy, s tinh bang mét. Chat diém c6 van toc tirc thoi
16n nhat bang bao nhiéu trong 5 gidy dau tién do?
A. 14, B. 13. C.2. D. 1.
Loi giai
Tacod Vv'(t)=—6t+12
Cho V(1)=01t=2
Tinh v(0) =1

v(2)=13= r[réag( v(t)

W(5)=—14

Vay vén toc cua chat diém 16n nhét bang 13 khi 7 =2
Trong khong gian Oxyz cho hinh 1ap phuong ABCD.EFGH c6 canh a (nhu hinh v€). Tinh tich

v6 hudng cta hai vec-to BC va AH 1a s6 nao?

E F
H 3 G
ey N R~ B
D ) C
a2
A. a B. —. C.a D. 1
2
Loi giai

Ta c6: BC.AH = BC.BG = BC.BG.cos(GBC) = a.axJ2.cos 45° = a’

Xét mot chit diém chuyén dong doc theo truc Ox . Toa do cua chit diém tai thoi diém 7 duge xac
dinh boi ham s x(¢) =7> — 61> +9¢ voi £ > 0. Khi dé x'(¢) 13 van tdc ctia chat diém tai thoi diém
t, ki hidu v(7), va v'(t) 1a gia téc chuyén dong cia chat diém tai thoi diém ¢, ki hiéu 13 a(?).

Trong khoang thdi gian nao van tdc ciia chat diém ting?
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DE ON TAP KIEM TRA GKI TOAN 12
A. (2;+00). B. (0;2). C. (—0;2). D. (0;+0).
Loi giai
Tacod v(t)=x'(t) =3t>—12t+9
Dé van tdc tang thi v'(r)=6:—-12>0, V>0
St>2

Vay vén toc tang khi € (2;+00)

PHAN II. Céu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho ham sé f(x)=x"Inx.

a) Tap xac dinh ctia ham s6 f(x) 1a D = (0;+0).
b) Gi4 tri 16n nhat ctia ham sd f(x) trén [Lie] 1a €°.
¢) Him sé f(x) c6 dung mot diém cuc tri.
\ A . A . 1
d) Ham s0 f(x) dat cyc tiéu tai x = v
e
Loi giai
| a) Dung | b) Diing ‘ ¢) Dung ‘ d) Sai ‘

a) bung.

Ham s6 xac dinh khi x > 0. Do d6 tap xac dinh ctia ham sé £(x) 1a D = (0;+).
b) blng.

Tacod f'(x)=3x"Inx+x" =x’Blnx+1)>0 khi xe[l;e].

Suy ra ham s6 dong bién trén trén [1;e].

Vay max.,, f(x)= f(e) =e.

c¢) bung.

Tacd f'(x)=0< x=0 (loai) hoac x=3L.
e

Béng bién thién ham sé f(x)

~+oo

=
o
> s

+

W L

Suy ra ham s& f(x) c¢6 dung mot diém cuec tri.

d) Sai.
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Cau 2:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Ham sb dat cuc tiéu tai x = L

e
Trong khéng gian cho hinh 1ap phuwong ABCD.A’B'C’D’ ¢6 canh bang a . Goi / 1a tam cta hinh
vuéng ABCD, goi G la trong tAm ctia tam giac AB'C.

_ —_—) —

a) AC' = AB+ AD+ A4’
b) AC'BD=0.
) BD' =2BG.

MN m

d) Goi M, N lan lugt 1a hai diém trén AC va DC'sao cho MN //BD'.Khid6 — =—( m,n
n

nguyén td ciing nhau) thoa man 2m +3n=13.

Loi giai
| a)yPing | b)Ping | ¢)Sai | d)Sai |
B
A C
v NJ
I
[}
|\j(1’
VUT
A e
\\ I)‘\\ ,/ D
\\ :’; /)\/
Ay |j/
AT \‘
27 Zau W ¥
// \\
’ \
7 \
// \‘
Af

Df

a) Theo qui tic hinh hop, dang thic: AC' = AB+ AD + AA’ . Suy ra a) Plng.
b) Tac6 BD L AC;BD L AA' = BD 1 (ACC'A')= BD L AC' = BD 1 AC' = BD.AC'=0.

Suy ra b) Pung.

BG BI 1 BG
A= ol A 7
D'G DB 2 BD

1 —

:§:>BD’:3E.

¢)Ta c6 ABIG ~ AD'B'G =

Suy ra c) sai.
d)
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Cau 3:

DE ON TAP KIEM TRA GKI TOAN 12

D' C’
l\ /
\ Vs
A' 'I \ /D
/ r
I X
\
DZ(—-\- -
/7 \ ~=/C
V4 -
2P
% B

Goi Eﬁ[:;,ﬁfzz,EB—;:Z.Giés& mzxA—C;,ﬁV:yBE;.
Ta co W:ﬂ+ﬂ1:Z+xﬁza+x(ﬁ+ﬁ):(l—x)2+x5.
:2+B+y(ﬁ+ﬂ):(1—y}2+5+y2

W:W—W:(x—y)a—}—(l—x)gﬁ-yg.

—_— —_— —_— —

2
x==
x—y—k=0 :I’
Sil—x—k=0 & yzE.
y—k=0 1
k=—
3
— 1= 1 M 1
Suy ra MN =—BD' = MN =—BD' = Ac:—=>m:1;n:3=>2m+3n:11.
3 3 BD" 3

Vay d) Sai.

Bang tan s6 ghép nhom duéi day théng ké sé gio tu hoc cta cac hoc sinh 16p 12A va 12B
Thoi gian ( gi0) [0;1) [1;2) [2;3) [3;4) [4;5)
S6 hoc sinh nam 24 26 25 15 10
S6 hoc sinh nit 14 28 30 31 8

a) Khoang bién thién ctia mau s0 liéu ghép nhom vé thoi gian ty hoc ciia cac bannir1a 5.

b) Tt phan vi thir nhat cia mau s liéu ghép nhom vé thoi gian tir hoc ciia cac ban nam xap xi
1,019.

¢) Khoang tir phan vi cia miu sb liéu ghép nhom vé thoi gian ty hoc cia cac ban nam 13 1,962 .

d) Thong qua ddi chiéu khoang tir phan vi ctia hai mau sé liéu ghép nhém ta thay thoi gian tu
hoc cua sd hoc sinh nit phan tan hon thoi gian ty hoc cua s6 hoc sinh nam.

Loi giai
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

| aybing | b)Sai | o Ping | d)Ding

a) Khoang bién thién ctia mau sb liéu ghép nhom vé thoi gian ty hoc ctia cac ban nit 1a
5-0=5
Ménh dé ding.

b) Tinh khoang ttr phan vi thir nhit ciia miu s lidu ghép nhoém veé thoi gian tu hoc cia cac ban
nam.

Codmaula n=24+26+25+15+10=100. Do 3213%0:25 nén nhom chira tir phan vi thir nhét

1a nhom [1;2).

25-24

Taco O, =1+ 1~1,038.

M¢nh dé sai.
¢) Tinh khodng t&r phan vi thir 3 ctia mau s6 liéu ghép nhom vé thdi gian ty hoc ciia cic ban nam

N )
0 3n_3.100 75 nén nhom chira t phan vi thi ba la nhom [2;3), ta co

75-50
25

1=3

0,=2+
Vay khoang t& phan vi cia mau s6 liéu ghép nhom 1a Ay, =0,-0 ~3-1,038=1,962.

Ménh dé ding.
d) Tinh khoang tr phan vi cia mau s6 liéu ghép nhom vé thoi gian ty hoc cta cac ban ni

Co mau la n=14+28+30+31+8=111. Do 22%227,75 nén nhom chua to phan vi thu

nhat 1a nhém [1;2).

Do 3—” = & = E = 83,25 nén nhéom chira tr phan vi thir ba 1a nhom [3; 4) ,taco

Viay khoang tir phan vi ciia mau s6 liéu ghép nhom 1a A, =0,-0 %3,363-1,134 =2,229.

Vi khoang tr phan vi cua mau so li¢u ghép nhém cua s6 hoc sinh nit 16n hon so véi khoang tir
phan vi ciia mau so liéu ghép nhém cia s6 hoc sinh nam ta thay thoi gian tu hoc ctia s6 hoc sinh
nit phén tan hon thoi gian tu hoc cua so hoc sinh nam.
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Ménh dé ding.

Mot ho lam nghé dét vai lya to tam san xuat moi ngay dugc x mét vai lya (1< x <18). Tong chi
phi san xudt x mét vai lya, tinh biang nghin dong, cho boéi ham chi phi:
C(x)=x"=3x" —20x+500.

Gia st ho 1am nghé dét nay ban hét san pham mdi ngdy véi gia 220 nghin dong/mét.
Goi B(x) la doanh thu va L(x) la lgi nhuan thu dugc khi ban x mét vai lua.

a) Biéu thirc tinh B(x) theo x 1a B(x)=220x (nghin dong).
b) Biéu thirc tinh L(x) theo x1a L(x)=—-x"+3x>+220x+500 (nghin dong).

¢) HO 1am nghé dét nay can san xuat va ban ra moi ngay 10 mét vai lya dé thu dugc 1gi nhuan toi
da

d) Loi nhuan tdi da cta hd lam nghé dét vai lua to tdm co thé dat duoc 1a 1300 (nghin déng).
Loi giai
| a) DPung | b) Sai ‘ ¢) bing ‘ d) Sai ‘

Khi ban x mét vai lua:

a) Pung. S6 tién thu duge 1a: B(x) =220x (nghin déng). = Ménh d¢ a dung

b) Sai. Loi nhuan thu dugc 1a: L(x) = B(x) - C(x) = —x” + 3x” +240x — 500 (nghin dong).
— ménh dé b sai

¢) Puing. Xét ham sé L(x) xac dinh trén [1;18].

Pao ham L (x)=-3x" +6x+240; L (x) =0 < x =10 hodc x =-8 (loai).

+ Bang bién thién:

x| 10 18
L'(x) + 0 -

1200
L(x) / \
-258 -1040

Tir BBT, ta nhan thay khi x =10 thi ham s} dat gia tri I6n nhét 1a 1200.

Nhu vay, ho 1am nghé dét can san xuat va ban ra mi ngay 10 mét vai lua dé thu duoc lgi nhudn
t6i da va loi nhuan téi da nay 1a 1200 nghin dong.

= ménh dé ¢ dung.

d) Sai. Tir BBT, ta nhan thdy khi x =10 thi ham s dat gié tri 16n nhat 1a 1200.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau l:

Mot ctra hang trung binh ban dugc 120 cai Tivi mdi thang véi gia 12 triéu ddong mot cai. Chu
clra hang nhan thiy rang, néu giam gia ban mdi cai 500 ngan dong thi s6 lugng tivi ban ra s& ting
thém 10 cai mdi thang. Hoi cira hang nén ban véi gia bao nhiéu dé doanh thu ctra hang 1a 16n
nhat (tinh theo don vi 1a tri¢u dong)?
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Cau 2:

Cau 3:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Loi giai
Traloi: 9
Gid sir can gidm gid ban mdi cdi tivi la x triéu dong (x <12).
Do giam gia ban mdi cai 500 ngan dong thi s lwong tivi ban ra s& ting thém 10 cai mdi thang

. 10
nén so luong tivi ban ra tang 1én bay gio la: O_;C =20x.

2

Khi d6, doanh thu mot thang cua cira hang 1a (120 +20x).(12 — x) = —20x* +120x +1440.
Xéthamsd f (x)=-20x" +120x +1440 (x <12)
Ta co f'(x)=—40x+120; f'(x)=0®x=3.

BBT

f(x) + 0 —

1620
(0]

Tir bang bién thién ta thiy: Pé doanh thu ctra hang dat cao nhat thi gia ban mdi cai tivi 1a
12-3 =9 triéu dong.
Véi hé toa dd Ozyz cho trude, biét mot may bay Airbus ché hanh khac dang bay véi véc to van

toc a (300; —200; 400) , don vi van tc 1a: km/h. Mot méay bay quéan sy B bay nguoc chiéu c6 toc
d6 gip 2 lan téc d6 ciia may bay Airbus. Biét tir luc bat diu gip may bay Airbus may bay quan
su cach dich dén 250km . Tim thoi gian dé dén dich ctia may bay B (don vi gio, két qud lam tron
dén hang phan tram).

Loi giai
Tra loi: 0,23.

b| = /1160000 (km / 1).

Taco: b= —2a = (—600;400; ~800) =

. 2
Thoi gian may bay B dén dich la: _20
V1160000

Mot doanh nghiép tu nhan chuyén kinh doanh xe gin méy cac loai. Hién nay doanh nghiép dang
tap trung vao chién lugc kinh doanh xe X v6i chi phi mua vao mét chiée xe X gia 30 triéu dong
va ban ra véi gia 35 triéu dong. Vi gia ban nay s lugng xe X ma khach hang d3 mua trong mot

~ 0,23(h).
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nam 1a 400 chiéc. Nham muc tiéu déy manh hon nira lugng ti€u thu xe X dang ban, doanh nghiép
du dinh giam gia ban. B phan nghién ctru thi truong ude tinh néu giam 1 triéu déng mdi chiée
thi s6 luong xe ban ra tang thém 100 chiéc mdi nam. Hoi theo d6 gia ban méi mdi chiée xe X 1a
bao nhiéu triéu déng dé thi loi nhudn thu vé nhiéu nhat.

Loi giai
Tra loi: 34,5.
Goi x (triéu dong) 1a s6 tién can giam (0 < x <5)
Loi nhuan mdi chiéc xe sau khi giam 5 — x
Luong xe du dinh s& ban dugc 400 +100x

Loi nhuan ctia doanh nghiép trong nam do la
/(x)=(5-x)(400+100x) = 2000 +100x — 100x°

Taco f'(x)=100-200x; /'(x)=0 x:%

Bang bién thién
1
X 0 5 5
) - o
2025
2000 0

Thong qua bang bién thién ta thiy néu giam 0, 5 (triéu dong) mdi chiéc thi loi nhuan thu vé nhiéu
nhat.

Viy gia ban mdi chiéc xe X 13 34,5 (triéu dong) thi loi nhuan thu vé nhiéu nhat.
Nguoi ta ghi lai tudi tho ciia mot s6 con Ong duoc két qua nhu bang sau:

Tudi tho

[0:20)

[20:40)

[40:60)

[60:80)

[80:100)

S lwong

5

12

23

31

29

Tinh khoang t&r phdn vi ciia mau sb liéu ghép nhom trén (két quda lam tron dén hang phan chuc).
Loi giai
Tra loi: 35,8.

Tacocdmiu n=5+12+23+31+29=100

Tt phan vi tht 13 O, dimg th %
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+ T phan vi thr nhat Q, dung thi 1.100

=25 thuge nhém s6 3 16p ghép [40;60) c6 tan sb
n, =23 vatan sb tich liy n, +n, =5+12=17

25-17

Gia tri O, =40+ (60-40)~ 47,0

3.100

+ T phan vi thit ba Q, ding thu =75 thudc nhém sb 5 16p ghép [80;100) c6 tan sb
n, =29vatan sb tich liy n, +n, +n, +n, =5+12+23+31="71

75-71

Gid tri O, =80+ (100-80) ~ 82,8

Vay Khoang tir phan vi cia mau s6 lidu ghép nhom trénla A, =0, -0, =82,8—-47,0=35,8

Cau 5:  Trong khong gian v&i hé toa dd Oxyz , cho ba diém A(4:3;1), B(3;1;3),1(1;2;-1); M 1a diém
thay d6i nhung ludn cach diém 7 mot khoang bang 3. Goi m,n 1an luogt 1 gia tri 16n nhat, nho
nhit ctia biéu thuc P =2MA4> — MB*. Tinh gia tri 40.(m—n).

Loi giai
Tra loi: 2400.
2(x-4)—(x-3)=0 (r=5
Léy diém E(x;y;z) sao cho 2AE - BE =0 < 2(y—3)—(y—1) =0y=5 & E(S;S;—l).
2(z-1)—(z-3)=0  [z=-1
Taco IE=5>IM.
Khi do:
—  ——\2 JRE—. ——\2 _ _ —
P=2M4> - MB* =2(ME - AE) ~(ME-BE) = ME® +24E” - BE* = 2ME (2 4E - BE)
=ME’ +2AE* — BE’.
P 16n nhat va nhé nhat khi va chi khi ME 16n nhat va nho nhét.
max ME =IE+R=8min ME =IF—R=2.
Do dé m=max P=64+2AE*—BE*;n=min P =4+2A4E* - BE".
Suy ra m—n=60= 40.(m —n) =2400.
Ciu 6:  Theo ddi thoi gian di tir nha dén truong ctia ban A trong 35 ngay, ta c6 bang sb liéu sau: (don vi
phut)
Lép [19;21) [21;23) [23;25) | [25;27) [27;29] Cong
Tan s6 5 9 10 7 4 35
Tinh phuong sai ciia mau (chinh xac dén hang phan tram).
Loi giai
Tra loi: 5,89
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S6 trung binh ctia mau la

- 5.20+9.22+1(;.§4+7.26+4.28 23,7714 (phut).

Phuong sai cia mau la

2 5{20-23,7714)’ +9.(22-23,7714)° +10.24-23,7714)° +7.(26~23,7714)° +4.(28-23,7714)
) 35
~5,89

Page 16
Swu tdm va bién soan



DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 09

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

Caul: Chohamsb y=f (z) xac dinh lién tuc trén R\ {—2} va c6 bang bién thién nhu hinh dudi dy.

—oo  —3 —2 —1 +00
’ + 0 - - 0 _+
+ +
2
/_2\
o _

)
Khang dinh nao sau dy 1a dang?
A. Ham s6 da cho nghich bién trén khoang (— 3; —2) U (— 2;— 1).
B. Ham s d4 cho nghich bién trén khoang (— 3;—1)
C. Ham s6 di cho dong bién trén khoang (— 2;+ oo).
D. Ham s6 da cho dong bién trén khoang (—2025;—2024)
Cau 2:  Gia tri 16n nhit ciia ham sb f (a:) =1’ +22° + 2 +1 trén doan [—1; 1] bing

A. 2. B. 7. C. 1. D. 5.
Cau3: PDuongthing y = z + 1 la duong tiém can xién cua do thi ham sb nao dudi day?

42 1 2 _ ? 2
A.y:x—|—1+x+ B.y:x+. C.y:x iy D.y:w.
T 20 — 3 T —2 r+1
CAu 4: D0 thi hinh bén 1a cua ham sb:
\\
4 3 2 | : _7I. '
Ean
_L__
3 — 277 2z +1 1—2z 1—22
A.y: = .y: D.y:
z+1 r+1 1—2z r+1
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Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cho hinh hop ABCD.A B,C,D, . Chon déng thirc sai?

Bl C1
A | D1
I
|
|
I il R
//
A D
A. BC—-BC, = BA — BA. B. AD+DC, +DA = DC.
C. BC + BA+ BB, = BD, . D. BA+ DD, + BD, = BC .
Cho hai vecto @ va b khac 0. Xac dinh goc @ giita hai vecto @ va b khi ab=- Zz||l;|
A, a=180°. B. a=0°". C.a=90°. D. a=45°.

Cho ham s6 y = f(x) c6 dao ham f'(x) = (x+1)(2x—5)2 voi moi x € R . Ham s6 da cho
nghich bién trén khoang nao?

A. (—o03-1). B. (-1;3). C. (—1;+00). D. (-3:1).

Trong khong gian Ozxyz, cho 5 = (1;2;—3); g = —2;+ 2; . Toa d¢ vecto Z = 25 — 35 la:

Acc=(4-1-3).  B.c=(-2-6). C.c=(213). D. ¢ = (4-2-6).

Két qua do chiéu cao cua 100 ciy keo 3 ndm tudi tai mot nong trudng duge cho & bang sau:

Chiéu cao (m) | [8,4;8,6) | [8,6;8,8) | [8,8;9,0) | [9,0;9.2) | [9,2;9.,4)
S6 cay 5 12 25 44 14

Hay tim khoang tir phan vi ctia mau s6 liéu ghép nhom trén:
A. 0,286 B. 0,286 C. 0,386 D. 0,4

Ban Minh Anh sir dung vong tay thong minh dé ghi lai s6 budc chan ma ban di mdi ngay trong
mot thang. Két qua duoc ghi lai & bang sau:

Sb bude(don vi: nghin) | [3;5) | [5;7) | [7;9) | [9:11) | [11;13)
S6 ngay 6 7 6 6 5

Tinh dd l1éch chuin cua mau s6 lidu trén?

A. 7,56 B. 5,72 C. 2,75 D. 1,75

Trong hé truc toa dd Oxyz, cho hinh hgp ABCD.A'B'C'' D' biét A(1;0;1), B(2;1;2), D(1;—1;1)
, C''(4;5;—5). Tim toa d6 dinh A'?

A. A'(=2;1;1) B. A'(3;5;—6) C. A'(5;,—1;0) D. A'(2;0;2)
Trong mit phing toa 46 Oxyz cho diém A(0;-2;3) va B(l;—1;4). Tim toa d diém M sao cho
MA=3MB?
1
A. M i;2;E . B. M l;—é;l . C. M(E;——;g). D. M(3;-1,9).
44 4 222 222
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PHAN II. Céu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

Cau 2:

Cau 3:

cau, thi sinh chon diing hodc sai.

Cho ham s y:f(x):x+2+%.
x—

a) Tap x4c dinh cua ham s6: D =R\ {1}
b) Tiém cén xién cta do thi ham sb 13 duong thing y = x—2.
¢) Ham s6 nghich bién trén tap xac dinh.
d) Ham s c6 hai diém cuc tri 1a 4, B. Khoang cach tir goc toa dd O(0;0) dén duong thing 4B
1
la —.
J5

Mot tau d6 bo tiép can Mat Trang theo cach tiép can thang dung va dot chdy cac tén ltra him &
d6 cao 250km so voi bé mat cua Mit Trang. Trong khoang 50 gidy dau tién ké tir khi d6t chay
cac tén lira hdm,dd cao % cla con tau so véi bé mit ciia Mat Trang dugc tinh (gﬁn dtng) boi ham
h(t) =—0,017* +1,1£* =30¢ + 250 ; trong d6 ¢ 1a thoi gian tinh bang gidy va 413 do cao tinh bang
kilomét.

(Nguon: A. Bigalke etal., Mathematik, Grundkurs ma-1, Cornelsen 2016 )
a) Van tdc tic thoi cta con tau & thoi diém 7 (gidy) ké tir khi dot chay cac tén Itra him dugc xéac
dinh béi v(r) =-0,03* +2,2t-30 (0<¢<50).
b) Van tdc tie thoi cia con tau tai thoi diém ¢ = 25(gidy) 14 6,25(km / s)
¢) Tai thoi diém ¢ = 25 (gidy), van toc tirc thoi clia con tau tiép tuc giam.
d) Trong khoang 50 gidy dau tién ké tir khi dbt chay cac tén lira hdm, con tau dat khoang cach
nho nhit so voi bé mat Mt Tring 1a 10km .
Mot thap trung tim kiém soat khong luu & san bay cao 80 m st dung ra da c6 pham vi theo ddi
500km duoc dat trén dinh thap. Chon hé truc toa dd Ozyz ¢6 gbc O tring véi vi tri chan thap,
mit phang (Ozy) tring v6i mat dat sao cho truc Oz hudng vé phia tay, truc Oy hudng vé phia
nam, truc Oz hudng thang dtimg 1én phia trén (Hinh) (don vi trén mdi truc tinh theo kilomét).
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Mot may bay tai vi tri A cach mat dat 10km , cach 300km vé phia dong va 200km vé phia bac
so voi thap trung tim kiém soat khong luu. Xét tinh dung, sai ctia cac ménh dé sau:
a) Ra da ¢ vi tri c6 toa d6 (0;0;0).
b) Vitri A c6toa dd (300;200;10).
¢) Khoang cach tir may bay dén ra da 1a khoang 360,69km (l1am tron két qua dén hang phan
tram).

d) Ra da cta trung tdm kiém soat khong luu khong phat hién duge may bay tai vi tri A.
Thoi gian tap dan mdi ngay (tinh theo phut) ctia ban Thu trong thoi gian gan ddy duoc thong ké
nhu sau:

Thoi gian (phat) | Tan sd
20;25) 6
25;30) 5
30;35) 7
35;40) 8
40;45) 2

a) Khoang bién thién ctia mau s6 liéula R = 20.
b) T phan vi thit ba cua méau s liéu ghép nhém 1a @, = 37.
¢) Sb trung binh ctia mau sb liéu ghép nhom 1a ; ~ 31,61.

d) Phuong sai ctia mau s6 liéu ghép nhém 1a s* ~ 39,38.

PHAN III. Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau l:

Cau 2:

Cau 3:

rong khong gian Ozyz, cho hai diém A(O; 3; —1) va B (—1; —6; 2). Goi C(a;b;c)la giao diém ciia
duong thang AB va tryc Oz. Tinh gia tri biéu thitc S = 3a +b +c.

Trong khéng gian véi hé toa do cho trude (don vi do iy theo mét), mot con ong bay tir diém
A(2;4;1)véi van toc va huéng khong doi dén diém B(10;12;5) trong 5 gidy. Néu con ong tiép
tuc gilt nguyén van toc va huéng bay thi toa do ciia con ong sau 3 gidy tiép theo dat tai vi tri
diém M (a; b; c) . Tim 5a — b — ¢ (1am tron két qua dén hang phan muoi).

800

1+ 7%
tire thovi tai thoi diém ¢ 1a p/(¢). Tinh thoi diém ¢ dé toc do tang truéng 1a 16n nhét. (két qua

Sy ting trudng dan sé duoc xac dinh bai ham sé p (t) = . Téc d6 tang trudong dan sd

lam tron dén hang don vi)

Mot doanh nghi€p can san xuat mot mat hang trong ding 10 ngay va phai st dung hai may A
va B.May A lam viéc trong x ngdy va cho s6 tién 13i 1a z* + 2z (triéu dong), may B lam viéc
trong y ngdy va cho sé tién 13i 13 326y — 27y* (triéu dong). Hoi doanh nghiép dé can st dung
may A trong bao nhiéu ngay sao cho sd tién 1i 1a nhidu nhit? (Biét ring hai may A va B khong
dong thoi lam viée, may B lam viéc khong qua 6 ngay).
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Mot cong ty san xuét dd choi muén tdi wu hoa loi nhuén tir viée san xuit mot loai bup bé. Ho
nhan thiy rang, voi mdi don vi san xuét, chi phi cd dinh 14 500.000 ddng, chi phi bién doi 1a
100.000 dong. Mit khac, néu san xuidt x don vi bip bé thi gid ban mdi don vi la
P(z) = 600.000 — 10.000z ddng. Hoi cong ty nén san xuat bao nhiéu don vi bip bé dé dat lgi
nhuan toi da?.

Anh Nam dy dinh xdy mét san trudc nha hinh chit nhat ABCD ¢6 dd dai cac canh lan luot 1a
AB =12mva AD =5 m. Dé thoat nudc tot nhat trong miia mua hodc khi rira sin nén anh

Nam xay vi tri B thap hon vi tri Ala 10em, vitri D thdp hon vi tri Ala 8 em. Chon hé truc

toa 0 Ozyz nhu hinh v&, hiy xac dinh vi tri diém C' thap hon vi tri diém A bao nhiéu cm ?
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HUONG DAN GIAI CHI TIET
PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon m¢t phuong an.

Caul: Chohamséy=f (:1:) xac dinh lién tyc trén R \ {—2} va c6 bang bién thién nhu hinh dudi day.

—00 -3 —2 —1 +00
’ + 0 — - 0+
+ +
. oo\ / 00
2
/_2\
o .

00
Khiang dinh nao sau day 1a dung?

A. Ham s6 di cho nghich bién trén khoang (— 3; —2) U (— 2;— 1).
B. Ham s d4 cho nghich bién trén khoang (— 3;—1)

C. Ham s di cho ddng bién trén khoang (— 2,4 oo).

D. Ham s d4 cho dong bién trén khoang (—2025; —2024)

Loi giai
Cau 2:  Gia tri 16n nhat ciia ham sb f($>:x3+2:1:2—|—x+1tréndoan [—1;1} bing
A 2. B. 7. C.1. D. 5.
Loi giai
Cau3: Puodngthing y = z + 1 1a dudng tiém can xién ctia do thi ham sé nao dudi day?
2 2 1 2 2 2
A.y:x—}—l—l—x+ B.y:$+ . Q.y:x ay D.yzﬂ.
x 2z -3 x—2 z+1
Loi giai
Ta co: —$2_x—x+1—|—i" 2 =0
Y T —2 :)3—2’11{2:1:—2
CAu4: D) thi hinh bén 13 cua ham sb:
\;\
.L : 2’ 1 Q
B
_L__
3 — 227 2z +1 1—2z 1—2z
A.y: B.y: LY = Q,y:
z+1 z+1 11—z z+1
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Loi gidi
TCD: x=-1; TCN: y =-2
Cho hinh hop ABCD.A B,C,D, . Chon dang thirc sai?

Bl C1
A | D1
1
!
!
o T T >~
//
A D
A. BC-BC, = BA — BA. B. AD + DC, + DA = DC.
C. BC + BA+ BB, = BD, . D. BA+ DD, + BD, = BC'.
Loi gidi

_  —  — —

BC - BC, :BlAl—BA<:>6:6 suy ra A ding

_— s s ——  ——  —

AD+DC +DA =AD+DC +CB = AB = DC’suyraBdung

_—

BC + BA+ BB, = BD, - quy tac hinh hop suy ra C dung

Vay D sai
Cho hai vecto @ va b khac 0. Xéc dinh goc & gitra hai vecto ¢ va b khi ab=- ;l||5|
A. a=180°. B. a=0°. C. a=90°. D. a =45°.

Loi giai

Ma theo gia thiét a.b = —

b|, suy ra cos(Zz,B) =-1= (Zz,l;) =180°

Cho ham s6 y = f(x) c6 dao ham f'(x) = (x+l)(2x—5)2 v6i moi x € R . Ham sb da cho

nghich bién trén khoang nao?

A. (—oo5-1). B. (-1;3). C. (—1;+00). D. (-3:1).
Loi giai
x=-1
Tacéf'(x)=O<:> 5
T2
Bang xét dau f'(x):
* — -1 g + o
f'(x) - 0+ 0 +
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Cau 9:

Cau 10:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Vay ham s6 nghich bién trén khoang (—o0;—1).

Trong khong gian Ozyz, cho a = (1;2-3); b= —2i +2;. Tea d{ vecto ¢ = 2a — 3b la:

Ac=(4-1-3). B.c=(8-2-6). C c=(213). D. ¢ = (4-2-6).
Loi gii

C6 a = (12-3): b= (~220);c = 2(1;%-3) — 3(~220) suyra ¢ = (8;~2—6)

Két qua do chiéu cao cua 100 ciy keo 3 ndm tudi tai mot nong trudng duge cho & bang sau:

Chiéu cao (m) | [8,4;8,6) | [8,6;8.8) | [8.8;9,0) | [9,0;9.2) | [9,2;9,4)
S6 cay 5 12 25 44 14
Hay tim khoang tir phan vi ctia mau s6 liéu ghép nhom trén:
A. 0,286 B. 0,286 C. 0,386 D. 0,4

Loi giai
C& mau n = 100.
1a chiéu cao twong tmg cta 100 ciy keo.

Gol z;3,5...;7,,,

. . T+
T phan vi thir nhat 1a % €[8,8;9,0]. Do do

100 _ (54 19)

Q =88+ (9,0 — 8,8) = 8,864

Tit phén vi tht ba la % €19,0:9,2]. Do d6

3190 5124 25)

44
Khoang tr phan vi: AQ = Q, — Q, = 9,15 — 8,864 = 0,286

Q, =20+ (9,2—9,0) = 9,15

Ban Minh Anh str dung vong tay thong minh dé ghi lai s budc chan ma ban di mdi ngay trong
mot thang. Két qua duoc ghi lai & bang sau:

S6 bude(don vi: nghin) | [3;5) | [5;7) | [7:9) | [9;11) | [11;13)
Sb ngay 6 7 6 6 5
Tinh d6 1éch chudn ctia méu s liéu trén?
A. 7,56 B. 5,72 C. 2,75 D. 1,75
Loi giai
C& mau n = 30
S6 bude(don vi: nghin) [3;5) [5:7) [7:9) [9;11) [11;13)
S6 ngay 6 7 6 6 5
Phan tir dai dién 4 6 8 10 12
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Cau 11:

Cau 12:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

, —  6.4+7.6+6.8+6.10+5.12
6 trung binh 2 — © +76+6:0+6 0+512 _

7,8

Phuong sai: S = 31—0(6.42 +7.6"+ 6.8 +6.10° +5.12°| - (7,8)2 = 7,56

Do léch chuén: \/ZR ~ 2,75
Trong hé truc toa dd Oxyz, cho hinh hop ABCD.A'B'C' D' biét A(1;0;1), B(2;1;2), D(1;—1;1)
, C''(4;5;—5) . Tim toa d§ dinh A'?

A. A'(—2;1;1) B. A'(3;5;—6)

C. A'(5,—10) D. A'(2;0;2)

Loi giai
Dung cong thirc hinh hop AA 4+ AB + AD = AC", AA = (z—Ly;z—1); AB = (L,1;1);

AD = (0;—1,0); AC" = (3;5,—6).. Suy ra A'(3;5,—6).
Trong mat phéng toa do Oxyz cho diém A(0;-2;3) va B(l;—1;4). Tim toa do diém M sao cho
MA=3MB?

A.M(i;é;l—sj. B. M l;—z;lj. C. M(i;—l;g). D. M(3;-19).
4 4 4 222 222
Loi giai
Gia st M (x,,;9,,52,) -
Ta co:
3
Xy ==
(0-x,)-3(1-x,)=0 2 N
M = 3MB & MA-3MB =0 & | (2 3y, )~3(~1= 7, ) = 0> yM=—%:>M(E;—E;Ej.
(3-2z,)-3(4-2z,)=0 9
ZM :5

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon dung hoac sai.

Cho ham s y=f(x)=x+2+%.
x_

a) Tap xac dinh cua ham s6: D=R\ {1}
b) Tiém c4n xién cua do thi ham sb 1a dudng thang y = x—2.
¢) Ham s6 nghich bién trén tap xac dinh.
d) Ham s c6 hai diém cuc tri 1a 4, B. Khoang cach tir gbc toa do 0(0;0) dén duong thang AB
1
la ﬁ
Loi giai
) Sai |

| a)yPing | b)Sai | d) Ping
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Cau 2:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

a) Dung.
b) Sai.

Ta co lim[ (x+2)]—hm%—0 hm[y (x+2)]—11m%:0

P o0 X0 X
D6 thi ham sb o tiém can xién 1a duong thang y = x + 2.
¢) Sai.
1
(x-1)°

=0 c6 2 nghi¢m phan biét

Taco: y'=1-

= y' s€ doi dau qua 2 nghi¢m nay nén ham so6 s€ vira dong bién vira nghich bién.
d) Dung.

P thi ham s6 c6 hai diém cuc tri la 4(0;1), B(2;5)= 4B =(2;4)
, . -1
Puong thing d di qua hai diém 4, B ¢6 phuong trinh: %: yT hay d:y=2x+1

|20 0+1|

Mot tau d6 bo tiép can Mt Trang theo cach tiép can thang duing va ddt chay cac tén lira him &

d6 cao 250km so voi bé mit ctia Mit Tring. Trong khoang 50 gidy dau tién ké tir khi d6t chay
cac tén lira him,dd cao A cuia con tau so voi bé mit cua Mit Trang duoc tinh (gin ding) boi ham

Khoang cach d (0, 4B) =

h(t) =-0,01¢* +1,1£2 —30¢ + 250 ; trong d6 ¢ 1a thoi gian tinh bang gidy va 41a do cao tinh bang
kilomét.

(Ngudn: A. Bigalke etal., Mathematik, Grundkurs ma-1, Cornelsen 2016 )
a) Van toc tirc thoi clia con tau & thoi diém 7 (gidy) ké tir khi dbt chay cac tén lira him duoc xac
dinh boi v(t) =—0,03> +2,2t-30 (0<¢<50).
b) Van tdc tire thoi cia con tau tai thoi diém ¢ = 25 (gidy) 14 6,25(km / s)
¢) Tai thoi diém ¢ = 25(gidy), van tdc tirc thoi ctia con tau tiép tuc giam.
d) Trong khoang 50 gidy dau tién ké tir khi d6t chay cac tén lra hdm, con tau dat khoang cach
nho nhét so voi bé mat Mt Tring 1a 10km .

Loi giai
| a)yPing | b)Ping | ¢)Sai | d)Sai |

a) Pung.

Van téc tirc thoi ciia con tau v(r) = h'(¢) = —0,03¢* +2,2t-30 (0<¢<50)
b) biling.

Khi ¢ =25(s) = v(25) = —0,03.25" +2,2.25-30 = 6,25(km / 5)

c) Sai.
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Xét ham v(r) =—0,031 +2,2t =30  (0<¢<50)
Taco v'(t)=—0,06¢ +2,2.

v'(t)zO@tz%

Ta c6 bang bién thién ciia ham y = v(¢)

110
t — oo 3 + oo
31

Tai thoi diém ¢ = 25(gidy) van tdc cta con tau van dang ting
d) Sai.

Xét ham h(t) = —0,017> +1,1¢° — 30z + 250

tacod h'(t)=-0,03t" +2,2t —30

t~18,02

h'(t)=0< —0,03> +2,2t-30=0 <
t=~55,23

Ta c6 bang bién thién

+ - 10 NN rrAan PR

h! n . N

N7

Tur bang bién thién ta théy trén doan [O;SO] dd cao nho nhat cia con tau gﬁn béng 8,07km

Cau 3: Mot thap trung tAm kiém soat khong luu & san bay cao 80 m st dung ra da c6 pham vi theo ddi
500km dugc dat trén dinh thap. Chon h¢ truc toa d0 Ozyz cd géc O trung v6i vi tri chan thap,
mit phang (Ozy) tring v6i mat dat sao cho truc Oz hudng vé phia tay, truc Oy hudng vé phia

nam, truc Oz hudng thang dimg 1én phia trén (Hinh) (don vi trén mdi tryuc tinh theo kilomét).
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Cau 4:

DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025

Mot méy bay tai vi tri A cach mat dat 10km, cach 300km vé phia dong va 200km vé phia bic
s0 v6i thap trung tim kiém soat khong luu. Xét tinh dung, sai ctia cic ménh dé sau:

a) Ra da ¢ vi tri co toa do (0;0;0).
b) Vitri A c6 toa dd (300;200;10).
¢) Khoang céch tir may bay dén ra da I khoang 360,69%m (lam tron két qua dén hang phan
tram).
d) Ra da cua trung tim kiém soat khong luu khong phat hién dugc may bay tai vi tri A .
Loi giai
| a)Sai | b)Sai | obing | d)Sai |

a) Sai: Theo gia thiét, ra da & vi tri c6 toa d§ (0;0;0,08).
b) Sai: diém A(—300;—200;10).

¢)Piing: Khoang cach tir may bay dén ra da la:

J(=300 = 0)? + (—200 — 0) + (10 — 0,08)° ~ 360,69(km).

d) Sai: Vi 360,69 < 500 nén ra da cua trung tam kiém soat khong luu c6 phat hién dugc may
bay tai vitri A.

Thoi gian tap dan mdi ngay (tinh theo phut) ctia ban Thu trong thoi gian gan ddy duoc thong ké
nhu sau:

Thoi gian (phiit) |  Téan s6
20;25) 6
25;30) 5
30;35) 7
35;40) 8
40;45) 2

a) Khoang bién thién ciia mau so liéu la R = 20.

b) Tt phan vi thit ba ciia mau sd liéu ghép nhom 1a Q, = 37.
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
¢) S trung binh ctia miu s6 liéu ghép nhom 1a = ~ 31,61.

d) Phuong sai ciia mau s6 liéu ghép nhom 1a 5: ~ 39,38.

Loi giai
| a)Sai | b)Sai | o bing | d)Ding
Nhom Gia tri dai dién Tan s Tén sb tich Ity
20;25) 22,5 6 6
25; 30) 27,5 5 11
30; 35> 32,5 7 18
35, 40) 37,5 8 26
40; 45> 42,5 2 28

a) Sai: Taco: R =45—-20=25

b)Sai:Tacé:n:28:>?27n:21:>18<21<26.

Nhom thir tu 1a nhém dau tién c6 tan sd tich liy 16n hon hoic bang 21

§.28 —18

= Q, =35 +4T.(40 — 35) = 36,875

- 22,5 27,5- 2,5- . 42,5-2
¢) Diing: 7 — ,9-6+27,5 5—|—3,2587—I—37,5 8 +42,5 :8885%31761

— =2
d) Ping: si =1’ - (:v)

_225"-6427,5"-5432,5"-74+37,5°-8+425°-2 [225-6+27,5-5+32,5-7+37,5-8+42,5
28 28

sj ~ 39,38

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau 1:

rong khong gian Ozyz, cho hai diém A(O; 3;—1) va B(—l;—6;2). Goi C(a;b;c)la giao diém cuia
duong thang AB va tryc Oz. Tinh gia tri biéu thitc S = 3a +b +c.

Loi giai
Tra loi: -1

Do C thudc truc Oz nén C(c; O;O).
Ta co E = (—1;—9;3) va A—C" = (c;—3;1).

Vi C = ABN Oz nénba diém A, B,C thang hang hay A_é cung phuong A_é
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Cau 3:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

-1 -9 3 3 3
, 1
Tacoa:—g;b:O;c:O:Sz?)a-l—b-i-c:—1.

Trong khéng gian véi hé toa dd cho trude (don vi do iy theo mét), mot con ong bay tir diém
A(2;4;1)véi van toc va huéng khong doi dén diém B(10;12;5) trong 5 gidy. Néu con ong tiép

tuc gilt nguyén van toc va huéng bay thi toa do ciia con ong sau 3 gidy tiép theo dat tai vi tri
diém M (a; b; c) . Tim 5a — b — ¢ (1am tron két qua dén hang phan mudi).

Loi giai
Tra loi: 49,8

Vi hudng ctia con ong khong doi nén AB va BM 1a cing hudng. Do vén tdc ctia con ong
khong ddi va thoi gian bay tr Adén Bbang % thoi gian bay tr B dén M nén ta co
3AB =5BM

= 3A_J§ = 5ﬁ

Taco 3AB = (24:24;12) va 5BM — (50— 50;5b — 60;5¢ — 25|

T

Hba —50 = 24 Z

Nén ta c6 h¢ {50 — 60 = 24 :><b:%
5e—25 =12 37

c=—

5

Vay ba —b—c = 49,8
Chii y: Gido vién c6 thé giai thich cho hoc sinh:
+) Chi phi ¢b dinh trong san xuit kinh doanh 14 nhitng khoan chi phi ma doanh nghiép phai tra
bat ké san luong san xuit hodc mirc d6 hoat dong kinh doanh thay ddi. Diéu nay c6 nghia la du
doanh nghiép san xuét it hay nhiéu, cac chi phi nay van khong thay doi.
+) Chi phi bién d6i trong hoat dong kinh doanh 13 nhiing khoan chi phi thay dbi theo murc d6
hoat dong san xuét hodc kinh doanh cia doanh nghiép. Diéu nay c6 nghia la khi san xuét hodc
ban hang ting 1én, chi phi bién ddi cling ting theo, va nguogc lai, khi san xuit hodc ban hang
giam, chi phi bién d6i s& giam.

800
1+ 7e
tic thoi tai thoi diém ¢ 1a p’ (t) . Tinh thoi diém ¢t dé téc do ting trudng 1a 16n nhat. (két qua

Su ting trudng dan sé duge xac dinh boi ham sb p (t) = . Téc d6 tang trudong dan sb

lam tron dén hang don vi)

Loi giai
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Cau 4:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Tra loi: 10
0,2t
Téc d6 tang truong dan sd tic thoi 1a p’ (t) = &'62, t>0.
(e(],Qt + 7)
224.6"” (7 - eO’Qt)
Ta co p”(t>= - ,p”(t):()<:>7—eo’2t:0<:>t:5ln7.
(eo,2t + 7)
t 0 SIn7 +o0
p'(r) ’ 0 B

40

35

— 0

Tir bang bién thién ta thay, thoi diém toc do ting twong 16n nhat1a ¢t = 5In7 ~ 10.
Pap an: 10
Mot doanh nghiép can san xuat mot mat hang trong diing 10 ngay va phai sir dung hai may A
va B.May A 1am viéc trong = ngdy va cho sb tién 13i 1a 2° + 2z (triéu dong), may B lam viéc
trong y ngay va cho s tién 1ai 1a 326y — 27y" (triéu dong). Hoi doanh nghiép do can sir dung
may A trong bao nhiéu ngay sao cho sé tién 13i 1a nhidu nhat? (Biét ring hai may A va B khong
ddng thoi lam viée, may B 1am viéc khong qua 6 ngay).
Loi giai

Tra loi: 9
Theo gia thiét :
* Thoi gian l1am vi¢c cia may A la = ngay.
* Thoi gian lam viéc cia may B 1a y ngay.
Néntacoz+y=10y=10—=x (>x<>
Valo<y<6=4<z<10.

A Lt A ~ 3 3 3 3
S6 tién lai f(v) = 2® + 2z + 326y —27y" = 2° + 22 + 326(10 — ) — 27 (10 — z)  (thay (]
vao).
& f(z) = 282" — 8102” + 7776z — 23740 véi z € |4;10).

Tacé f'(x)= 842> — 1620z + 7776

f’(:z:):(){:)84x2—16205z:+7776:O<:>a::9\/:z;:§<l>.

Bang bién thién.
i 4 9 10
f'(@) + 0 -
f(@) /f(9)
F(4) F10%,

TuBBT taco z = 9 1a gid tri can tim.
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cau5: Mot cong ty san xuét dd choi muén tdi wu hoa loi nhuén tir viée san xuit mot loai bup bé. Ho
nhan thiy rang, voi mdi don vi san xuét, chi phi cd dinh 14 500.000 ddng, chi phi bién doi 1a
100.000 dong. Mit khac, néu san xuidt x don vi bip bé thi gid ban mdi don vi la
P(z) = 600.000 — 10.000z ddng. Hoi cong ty nén san xuat bao nhiéu don vi bip bé dé dat lgi
nhuén tbi da?.

Loi gidi
Tra loi: 25

Dé giai bai todn toi1 uvu hoa 1gi nhuan, ta can xac dinh ham lgi nhuan ctua cong ty dua trén so
luong bup bé dugc san xuat, sau do tim gia tri cia x dé€ logi nhuédn nay dat cuc dai.

1. Xéc dinh céc ham lién quan:

- Chi phi ¢6 dinh khi san xuat bat ki don vi bip bé nao la: C' = 500.000 ddng.

- Chi phi bién déi khi san xut 2 don vi bip bé 1a: C (z) = 100.000z dong (m > o)
- Gia ban mdi don vi bup bé 1a: P(z) = 600.000 — 10.000z dong.

2. Xéc dinh ham doanh thu va ham chi phi:

- Ham doanh thu: khi san xuit z don vi bup bé thi s& thu duoc

R(z) = P(z)x z = (600.000 — 10.000z) x 2 = 600.000z — 10.000z> (dong)
- Ham chi phi: Tong chi phi dé san xuat 2 don vi bup bé Ia

C(z) = C + C () = 500.000 + 100.000z (dong)

3. Xé4c dinh ham loi nhuan khi san xuit = don vi bup bé (loi nhuan 1a phan chénh léch giita
doanh thu va chi phi):

f(z) = R(z) — C(z) = (600.000z — 10.000z>) — (500.000 -+ 100.000z) (ddng)
= f(z) = —10.0002” + 500.000z — 500.000 véi (z > 0)

Ta c6 bang bién thién cua ham so

X 0 25 +00
0 : o -
5.750.000
f(x)
-500.000 —0

Nhu vay, cong ty nén san xuét 25 don vi bup bé dé dat loi nhuan t6i da.
Cau 6: Anh Nam du dinh x4y mdt san trudc nha hinh chit nhat ABCD c¢6 dd dai cac canh lan luot 1a
AB =12mva AD = 5m . Dé thoat nudc tét nhat trong muia muwa hodc khi rira san nén anh
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DE ON TAP KIEM TRA CK1 TOAN 12 CTM THEO FORM BGD 2025
Nam xay vi tri B thép hon vitri Ala 10em, vitri D thép hon vi tri Ala 8 em . Chon hé truc
toa d6 Ozyz nhu hinh v&, hiy x4c dinh vi tri diém C thap hon vi tri diém A bao nhiéu c¢m ?
Loi giai

Tra loi: 18

AE = JAB? — BE* = J1200* —10* ~ 1200 ¢m.; AF =~ AD? — DF? = +/500* — 10° ~ 500 cm.

Theo hinh v& ta ¢6 toa d6 cac diém: A(O; 0;0), B(lzoo; 0; —10), D (0; 500;—8)

AD = (0;500;8), BC = (z — 1200;; 2 + 10)
£—1200=0 [2=1200

AD=BC < ly=500 < {y=500
z2+10= -8 z=—18

Vay vi tri diém C' thap hon vi tri diém Ala 18 ¢m .
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA CUOI HQOC Ki 1
TOAN LOP 12 - PE SO 10

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

thi sinh chi chon mgt phuwong an.
Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

r |—o0 -1

F) o -

1
0 +
+00
3 /
/ \5
—00

Gia tri cuc dai ctia ham sd d3 cho bf‘mg
A. 3. B. 1. C. -5. D. 1.
Cho ham sé y = f(x) c6 do thi nhu hinh v&.

+00

flz)

y

Do thi ham sb da cho c6 duong tiém can ding bang:

A, x=1. B. x=-1. C. x=0. D. y=-1
Bang dudi day théng ké cu li ném ta cua mgt van dong vién.
Cu li (m) [19;19.,5) | [19,5;20) [ [20;20,5) | [20,5;21) | [21;21,5)
Tan s6 13 45 24 12 6

Phuong sai ctia mau s6 liéu ghép nhom trén (chinh xéc toi hang phan nghin) 4.
A. 0,277. B. 0,331. C. 0,282. D. 0,276
Hinh v¢€ sau day la dd thi ciia mot trong bdn ham sb cho & cac dap an 4,B,C,D . Hoi d6 1a ham

SO nao?

A. y=—x +3x. B. y=x"+2x+1.

C.y=x-3x. D. y=x"+3x".

Page 1

Swu tam va bién soan



Caiu 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GKI TOAN 12

Két qua diéu tra tong thu nhap trong nim 2024 cia mot sd ho gia dinh ¢ thanh ph Nha Trang
dugc ghi lai ¢ bang sau:

To6ng thu nhap
e 200; 250) | [250; 300 300; 350 350; 400 400; 450
(tricu ddng) [ )| ) | ) | ) | )
S6 ho gia dinh 24 62 34 21 9
Tt phan vi thu nhét ciia mau s6 liéu 1a
16175 g 1534 c 16275 D, 16173
62 7 62 60
Cho hinh tir dién ABCD c6 trong tdm G . Ménh dé nao sau day sai?
A. GA+GB+GC+GD=0. B. OG = (04+ 0B+ 0C +0D).
— 1l— — — 1l —
C. AG=§(A3+AC+AD). D. AG=Z(A3+AC+AD).

Trong khong gian v6i hé truc toa do Oxyz, cho a = —i+ 2;‘ —3k . Toa dd cua vecto a 1a
A. (—1;2;—3). B. (2;—3;—1). C. (2;—1;—3). D. (—3;2;—1).

Trong khong gian véi hé truc toa do Oxyz, cho ba vecto 5(1;2;3);5(2;2;—1);5(4; 0; —4) . Toa

do cua vecto d=d-b+2C la

A. d(-7;0,-4). B. d(~7;0;4). C. d(7;0;—4). D. d(7:0;4).
14 14 _1
Gia tri nho nhat ca ham sb y = x—l trén doan [0;3] 1a:
X+
, o . .
A. 1[101;131]1)’—_3- B. I[{){l;]ly—z. C. r[{)l;l3l]ly——l. D. 1[13;131]1y_1.

Trong khong gian Oxyz, cho ;z(—2;2;0),5(2;2;0),2’(2;2;2) . Gia tri cua |Zz +E+E| béng

A. 6. B. 11. c. 2411 D. 246

Cho t&r dién ABCD. Goi M, N lan luot 1a trung diém ctia 4B, CD va G 1a trung diém cua
MN. Trong cac khang dinh sau, khang dinh nao sai?

A. MA+MB+MC +MD =4MG B. GA+GB+GC =GD

C. GA+GB+GC+GD =0 D. GM +GN =0.
Cho hinh chép S.4BC, day ABC 1a tam gic vudng can tai B, S4 vudng goc voi mat day. Biét

AB=S4=2.Goi M 1a trung diém BC. Tinh |S4+SB+SC + AM|?
A. 3. B. 9. C. 4. D. 6.
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PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cdu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

Cau 3:

cau, thi sinh chon ding hodc sai.
. 2x—1
Cho ham s y = el
x—1

-1
(1)

b) Dao ham cap mot cua ham s6 da cho nhan gia tri am voi moi x #1.

a) Dao ham ctia ham s6 dd cho 1a ' =

¢) Bang bién thién ctia ham so da cho la:
T |—co +00

+00

< -

e

I

I

T

1
//

o|l--—-—-—-—-=

r

(‘)\ 1
Cho hinh lang try déu ABC.A'B'C’ ¢c6 tét ca cac canh bang a. G la trong tAm tam giac ABC.
a) AB = AC .
b) CC'+ AB = AB'.
c) AG=AA+AB+AC.
2a/3

’ A 3 ' \ \ \
Thong ké 1gi nhudn hang thang (don vi: tri¢u dong) trong 2 ndm ciia mQt nha dau tu vé 3 linh
vuc A, B, C dugc cho nhu sau:

d) |[A/A+AB+AC

Loi nhuan [5;10) | [10;15) | [15;20) | [20;25) | [25;30)
S6 thang theo linh vuc A 2 5 10 5 2
Loi nhuan [5;10) | [10;15) | [15;20) | [20;25) | [25;30)
S6 thang theo linh vuc B 1 8 7 6 2
Loi nhuan [510;520) | [520;530) | [530;540) | [540;550) | [550;560)
S thang theo linh vyc C 5 4 7 4 4

a) Loi nhuén trung binh mdi thang ctia nha dau tu vé 2 linh vuc A, B 1 nhu nhau.

b) Do Iéch chuin cta lgi nhuin hang thdng ma nha dau tu co tir linh vuc B 14 nhé hon 5.1 (triéu
dong)

¢) Muc do 6n dinh cua loi nhuan h?mg thang khi dau tu vao 2 linh vuc A,B 1a nhu nhau.

d) Khong danh gia duoc dau tu vao linh vuc C thi “rai ro” cao hon linh vuc A,B qua cac s6 lidu
trén.
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Do cao (mét) ctia mot vién dan duoc bén 1én troi tir mot vi tri cach mat dit 20m theo phuong
thang ding véi van toc ban dau 294m/s (bo qua stc can cua khong khi) Ila
h(t) =20+294¢—4,9¢* .

a) Van tdc ban dau cua vién dan 1a 294m /s .

b) Van tdc cua vién dan sau 2 gidy 1a 292m /s .

¢) Vién dan dat do cao lon nhat tai thoi diém 7 =25 giay.

d) Vién dan dat d6 cao 16n nhit 1a 4430(m).

PHAN III. Cau tric nghiém tra 1o ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cadu 3:

Cau 4:

Cau 5:

Ta da biét trong tam cua tir dién 4BCD 1a mdt diém I thoa man Al =3IG , 0d6 G latrong
tam ctia ABCD. Ap dung tinh chat trén dé tinh khoang cach tir trong tim cta mot khdi rubik
(d6ng chat) hinh t dién déu dén mot mat ciia nd, biét rang chiéu cao cua khéi rubik 13 8cm .

8 cm

Mot ngudi ndng dan co 3 tim ludi thép B40, mdi tim dai 12 (m) va mudn rao mot manh vuon

doc bo song c6 dang hinh thang can ABCD nhu hinh v& (b song 1a duong thang DC khong
phai rdo, moi tAm 12 mot canh cta hinh thang). C)ng ta c6 thé rao dugc manh vuon c6 dién tich

16n nhét 1a a(m”). Tinh 10a két qud lam tron dén hang don vi)?

B

D Cc

Cho haivitri A, B cach nhau 615m, cung ndm vé mot phia bo song nhu hinh v&. Khoang cach
tr A vatr B dén bo song 1an lugt 12 118m va 487m . Mot nguoi di tir A dén b séng dé lay
nuéc mang vé B . Poan duong ngin nhit ma ngudi d6 co thé di 1a (don vi mét, két qua lam tron
dén hang don vi)

Tim khoang t(r phan vi ctia mau s6 liéu ghép nhom cho trong bang sau: Thoi gian (phut) truy cip
Internet mdi budi t6i cia mot sb hoc sinh dwoc cho trong bang sau: (két qud lam tron dén hang
phan tram)

Thai gian (phuat) | [9,5;12,5) | [125; 15,5) | [15,5; 18,5) | [18.,5; 21,5) | [21,5; 24,5)
S6 hoc sinh 3 12 15 24 2

Mot chiéc may bay khong nguoi 1ai bay 1én tai diém trén mat dat véi van toc trung binh
200km / h. Sau thoi gian 12 phut bay, chiéc may bay cach diém xuét phat vé phia Bac 31(km)

va vé phia Dong 25(km). Khi d6 méy bay cach mét dat bao nhiu km (don vi km, két qua lam
tron dén hang phan tram). Biét may bay bay theo mot duong thang.
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Cau 6:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Cho m6t tim nhém hinh luc giac déu canh 90(cm) . Nguoi ta cit @ mdi dinh cua tAm nhom hai
hinh tam giac vudng bang nhau, biét canh goc vudng nho bang x (cm) (cit phan t6 dam cua tim

nhom) rdi gap tim nhom nhu hinh vé dé duoc mot hinh lang tru luc gidc déu khong cé nap. Tim
x dé thé tich ctia khdi lang tru luc giac déu trén 14 16n nht.

L A1A
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

thi sinh chi chon m¢t phuong an.

Caul: Chohamsd y= f(x) c6 bang bién thién nhu sau:
T |—oo -1 +00
J'(x) + 0 — 0 +
+00
3
-5
—00
Gia tri cuc dai ctia ham s d3 cho bf‘mg
A. 3. B. -1. C. -5. D. 1.
Loi giai
Tu BBT suy ra dép anA.
Cau2: Chohamsd y=f(x) c6 dd thi nhu hinh v&.
Y
[0} 1 2 T
\71
Do thi ham sb da cho c6 duong tiém can ding bang:
A. x=1. B. x=-1. C. x=0. D. y=-1
Loi giai
Ttr d6 thi suy ra dap anA.
Cau 3: Bang duoi day théng ké cu li ném ta cua mgt van dong vién.
Cu li (m) [19;19,5) | [19,5;20) [ [20;20,5) [ [20,5;21) | [21;21,5)
Tan s6 13 45 24 12 6
Phuong sai ctia miu s6 liéu ghép nhom trén (chinh xac téi hang phan nghin) 1a.
A. 0,277. B. 0,331. C. 0,282. D. 0,276
Loi giai
Ta c6 bang sau:
Cu li (m) [19; 19,5) [19,5; 20) [20; 20,5) [20,5; 21) [21; 21,5)
g
Gia tr 19,25 19,75 20,25 20,75 2125
dai dién
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Téan s 13 45 24 12 6

Cau 5:

Codmaulan=13+45+24+12+6=100.
S6 trung binh ctia mau s6 liéu ghép nhom 1a:

13.19,25+45.19,75+24.20,25+12.20,75+6.21,25
100

x= =20,015

Phuong sai ciia mau so liéu ghép nhom la:

s’ :ﬁ[m.(w,zs)z +45.(19,25)" +24.(19,25)" +12.(19,25)’ +6.(19,25)2}—(2o,015)2 ~0,277

Hinh v€ sau day la dd thi ciia mot trong bdn ham sb cho & cac dap an A,B,C,D . Hoi do6 1a ham
s6 nao?

»

2
A. y=—x +3x. B. y=x"+2x+1. C.y=x"-3x. D. y=x" +3x".

Loi giai
Ttr d6 thi ta thiy hé sé a > 0 nén loai dap 4an A.

Mit khéc ta thay dd thi di qua diém O(0;0) nénloai  B.

Lai c6 dd thi nhan x =1 1a diém cuc tri nén dapanlaC

Két qua diéu tra téng thu nhap trong nim 2024 cta mdt sé ho gia dinh & thanh phd Nha Trang
duoc ghi lai ¢ bang sau:

Téng thu nhap

NN 200; 250 250; 300 300; 350 350; 400 400; 450

S6 ho gia dinh 24 62 34 21 9

T phan vi thir nhat cia mau s6 lidu 1a
. 16175. B. 1534‘ C. 16275‘ D. 16173

- 62 7 62 60

Loi giai
S6 ho gia dinh duoc khao sat (c& mau) 1a n =24+ 62 + 34 + 21 + 9 = 150.
Goi x;;3x,5...5X,5, 1a tong thu nhap trong nam 2024 cua 150 ho gia dinh dugc xép theo thir ty
khong giam.
Ta co:

X303y, €[200;250)

Xy55-.3 Xgs €[300;350)
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Caiu 6:

Cau 7:

Cau 8:

Cau 9:

DE ON TAP KIEM TRA GKI TOAN 12
Xg75-03 X150 € [300;350)
X513 Xy €[3505400)
Xiao5es K50 € [400;450)
Do d6, di voi diy sb liéu x,;x,;...;x,5, thi
Tt phén vi thir nhdt Q) cua mu s6 lidu goc 1a x,, €[250;300). Do d6, tir phan thit nhét cia mau
s6 liéu ghép nhom la:

150

24

4 16175
=250+—2— (300-250)=———
z 62 ( ) 62

Cho hinh tir dién ABCD c¢6 trong tim G . Ménh dé ndo sau day sai?
A. GA+GB+GC+GD=0. B.@:%(@+073+W?+@).

2

Loi giai

C6 G latrong tam cua tir dién ABCD nén:

—_— _— _— _— — _— _ _ _ —

Trong khong gian véi hé truc toa dd Oxyz, cho G =—i+2j—3k . Toa do ctia vecto d 1a
A. (-1;2;-3). B. (2;-3;-1). C. (2;-1;-3). D. (-3;2;-1).
Loi gidi
d=—i+2j-3k=a(-1;2;-3)
Trong khong gian v6i hé truc toa do Oxyz , cho ba vecto 5(1;2;3);5(2;2;—1);5(4; 0;—4). Toa
do cua vecto d=d—-b+2¢ la
A. d(-7,0,-4). B. d(-7;0;4). C. d(7;0;-4). D. d(7;0;4).
Loi giai

Taco: d=d—b+2¢=(1-2+2.42-2+2.0;3+1+2.(-4))=(7;0,~4).

o ) A, o 1N £ x-1 \
Gié tri nho nhat cia ham so y = 1 trén doan [0;3] 1a:
X+

1
A. min y =-3. B. miny=—. C. miny=-1. D. miny=1.
CERd 3 2 = s Y 0.5 7

Loi giai

Ham s da cho lién tuc trén [0;3]

1 .
Tacod y' = 7 >0 voi Vx e[0;3]. Taco y(0)=—1;y(3)=5. Do d6 rr%égl]y=y(0)=—1

(x+1)
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Cau 10: Trong khong gian Oxyz, cho Zz(—2; 2;0),5(2; 2;0),2’(2;2;2) . Gia tri ciia |Zz +I;+E| bang
A. 6. B. 11. c. 2111 D. 26
Loi giai
Tacod: a+b+c =(2;6;2).
Vay |Zz+l§+2| =211,
Cau 11: Cho tt dién ABCD. Goi M, N lan luot la trung diém cua AB, CD va G la trung diém cua
MN. Trong céc khang dinh sau, khiang dinh nao sai?

A. MA+MB+MC +MD = 4MG B. GA+GB+GC =GD
C. GA+GB+GC+GD=0 D. GM +GN =0.
Loi giai

M, N, G lan luot 13 trung diém cua AB, CD,MN theo quy tic trung diém :
GA +GB =2GM;GC +GD = 2GN;GM +GN =0
Suyra:@+§§+56’+6]3=6 hay GA+GB+GC =-GD.
Cau 12: Cho hinh chop S.ABC, ddy ABC la tam giac vudng can tai B, S4 vudng goc voi mat day. Biét
AB=S4=2.Goi M 1atrung diém BC. Tinh |SA+SB+SC+ AM|?

A. 3. B. [ C. 4. D. 6.
Loi giai

Goi G 1a trong tam tam giac ABC.
Ta c6: SA+SB+SC =SG+GA+SG +GB+SG+GC =3SG .
Suy ra:
SA+SB+SC+ AM|=[35G +3GM| = [3SM| = 3SM =3JS4> + AM* =3S4> + AB* + BM” =9,

PHAN II. Ciu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.

Cau1: Cho ham sb y=2x_1.
x-1
\ ) | A 1~ N -1
a) Dao ham cta ham s6 da cho la y z( 1)2 .
x_

b) Pao ham cap mdt cua ham s6 da cho nhén gia tri &m véi moi x #1.
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¢) Bang bién thién ctia ham s6 di cho 1a:

DE ON TAP KIEM TRA GKI TOAN 12

-0
d) D6 thi ham s6 da cho nhu & Hinh vé.
Ay
3.— -
1
|
\2 |
|
1\ |
|
I -
O\ 1 2 T
Loi giai
| a)ybing | b)Ping | oSai | d)Ding
a) DPung
,_2(=1)=(=1)1 !
Yy = 2 = 2
(x—l) (x—l)
b) Pung
y = 2(_1)_(_21) T ! ~<0,Vx#1
(x—l) (x—l
¢) Sai

Béng bién thién cua ham s6 da cho nhu hinh dudi 1a sai vi ham s6 khong xac dinh tai x =1

+00

“+o00

y \

d) Dung
Do thi ham sb da cho nhu & Hinh vé.

Swu tam va bién soan
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Ay

3.———.———

/

1\.
0\12

Cau2: Cho hinh ling tru déu ABC.A'B'C’ c6 tt ca cac canh bang a . G 1a trong tAm tam gidc ABC.

s5Y

a) AB=AC.
b) CC'+ AB = AB'.
¢) AG=A'A+AB+AC.

2a\/§
3

d) |ﬂ+ﬁ+?@

Loi giai
| a) Sai | b) Pung ‘ ¢) Sai ‘ d) Pung

a) Ménh d& sai.

b) CC'+ AB = AA' + AB = AB' . Ménh d diing.

AG+BG+CG=0 dodo 34'G=AA+ AB+ A'C.Ménh dé sai.
d) A4+ AB+AC=34G nén |ﬂ+ﬁ+ﬁ:

2a«/§

2
AG* = A4+ AG* = d* +(a;/§J == Ménh & ding.

:3|E|. Xét tam giac vuong 4A'AG ta co

Cau3: Thdng ké loi nhuan hing thang (don vi: triéu déng) trong 2 nim ciia mot nha dau tu vé 3 linh
vuc A, B, C dugc cho nhu sau:

Page 11
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Loi nhuan [5;10) | [10;15) | [15;20) | [20;25) | [25;30)
S thang theo linh vuc A | 2 5 10 5 2
Loi nhuan [5;10) | [10;15) | [15;20) | [20;25) | [25;30)
S6 thang theo linh vuc B 1 8 7 6 2
Loi nhuan [510;520) | [520;530) | [530;540) | [540;550) | [550;560)
S6 thang theo linh vuc C 5 4 7 4 4

a) Loi nhuén trung binh mdi thang ctia nha dau tu vé 2 linh vuc A, B 1a nhu nhau.

b) D6 1éch chuan cia loi nhuan hang thang ma nha dau tu ¢o tir linh vie B 12 nho hon 5.1 (triéu
dong)

¢) Mtc do 6n dinh cua loi nhuan hang thang khi dau tu vao 2 linh vuc A,B 1a nhu nhau.

d) Khong danh gia dugce du tu vao linh vuc C thi “rii ro” cao hon linh vuc A,B qua cac sb liéu
trén.

Loi giai
| a) Pung | b) Sai ‘ ¢) bing ‘ d) Dung ‘
Ta c6 bang:
Loi nhuan [5;10) | [10;15) | [15;20) | [20;25) | [25;30)
S6 thang theo linh vuc A 2 5 10 5 2
Loi nhuéan [5;10) | [10;15) | [15:;20) | [20;25) | [25;30)
S thang theo linh vuc B | 1 8 7 6 2
Loi nhuédn [510;520) | [520;530) | [530;540) | [540;550) | [550;560)
S thang theo linh vuc C 5 4 7 4 4
a) PUNG

Loi nhudn trung binh hang thang ctia nha déu tu vé 2 linh vuc A, B 1a

A (27.54..42.27.5) = 17,5
24

Y= (17.54..42.27.5) = 17.5
24

b) SAI

Do léch chuén cua lgi nhuan hang thang ma nha dau tu c6 tir linh vuc B 1a:

s = i(7,52+...+2.27,52)—17,52 ~ 5,204
5\ 24

¢) PUNG
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Do léch chuén cua loi nhuan hang thdng ma nha dau tu co tir linh vuc A 1a:

s = i(2.7,52+...+2.27,52)—17,52 ~ 5,204
B \N24

Vi s, =5, nén mirc do 6n dinh cua loi nhuén hang thang khi dau tu vao 2 linh vuc A, B
la nhu nhau.

d) PUNG

Loi nhuan trung binh hang thang ctia nha dau tu vé linh vuc C la:

;c = %(5.515+...+4.555) ~ 534,16

Do 1éch chuan cua loi nhuan hang thang ma nha dau tu ¢o tir linh vuc C la:

5, = \/5(5.5152 +o+4.555%)—534,16> ~ 13,775

Ta thiy do loi nhuén trung binh cta phuong an C khéc xa rat nhiéu véi loi nhuén trung
binh hang thang ctia 2 phuong 4n A,B nén du S. >5,,5. > s, nhung ta cling khong dung

1am can ctr dé so sanh do rui ro ctia phwong an C véi 2 phuong 4n A,B.
Do cao (mét) ctia mot vién dan duoc bén 1én troi tir mot vi tri cach mat dit 20m theo phuong
thang dung v&i van tbc ban dau 294m/s (bd qua stc can cua khong khi) 1a
h(t) =20+294t—4,9¢* .
a) Van toc ban dau cua vién dan 1a 294m /s .
b) Van tbc ctia vién dan sau 2 gidy 1a 292m /s .
¢) Vién dan dat do cao 16n nhét tai thoi diém ¢ =25 giay.
d) Vién dan dat d6 cao 16n nhat 1a 4430(m) .
Loi gidi
| a) DPung | b) Sai ‘ ¢) Sai ‘ d) Dung

a) Theo bai ra ta c¢6 van toc ban ddu cia vién dan 13 294m /s, suy ra ménh dé ding.

b) Van téc ctia vién dan 1a v=74'(f) =294 —-9,8¢(m/ s) .

Do d6 van toc ciia vién dan sau 2 gidy 1a v(2) =294—9,8.2 = 274,4(m/ s), suy ra ménh dé sai.

¢) Vi A(f) =20+294t —4,9¢* 1a ham s6 bac hai c6 hé s a =-4,9<0 nén A(¢) dat gia trj 16n
b 294

nhét tai r=—— = =30 (gidy), suy ra ménh d¢ sai.
. 2a 249 (gidy), suy ra mé

d) Vi h(t) =20+294¢—4,9¢* 1a ham sb bac hai c6 hé s6 a=-4,9<0 nén h(r) dat gia tri 1on

L b 294 )
nhattai t=——= =30 (gia
) 2a 2.4,9 (gidy)

Khi d6 d¢ cao 16n nhét ctia vién dan 1a /(¢) = 20 +294.30—4,9.30% = 4430(m)
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suy ra ménh dé dung.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1: Ta d4 biét trong tdm cua tir dién 4BCD 13 mot diém 7 thoa mén Al = 3I_é, 6 d6 G la trong
tam cia ABCD. Ap dung tinh chat trén dé tinh khoang cach tir trong tim cua mot khdi rubik
(d@)ng chét) hinh t&r dién déu dén mot mat cua nd, biét r.':ing chiéu cao cua khéi rubik 1a 8cm .

8 cm

Tra loi: 2

C

Dit tén khdi rubik 1a t&r dién déu ABCD c6 G la trong tam tam giac BCD, [ 1a trong tam ti

d@nABCD.DO&LZ7=Q6:>R?=%AG

) o 1
Vi chi€u cao cua rubik bang 8cm nén AG =8cm = IG = Z.S =2(cm)

Vay khoang cach tir trong tAm ctia mot khdi rubik (dong chat) hinh ti dién déu dén mot mit cua
né bang 2cm .

Cau2: Mot ngudi nong dan co 3 tam ludi thép B40, moi tam dai 12(m) va mudn rao mot manh vuon
doc bo song co dang hinh thang can ABCD nhu hinh v& (b song 1a duong thang DC khong
phai rdo, moi tAm 12 mot canh cta hinh thang). C)ng ta c6 thé rao dugc manh vuon c6 dién tich
16n nhét 1a a(mz) . Tinh 10a két qua lam tron dén hang don vi)?

B

Loi giai

Tra loi: 1871
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Cau 3:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

A B

fC

H
Ké dudng cao BH , goi sb do 2 gbc & ddy CD cua hinh thang 13 x,x e (O; %)
Dién tich manh vuon la:

S =%BH(AB+ CD) = %BC.sinx(2.AB+ZBC.cosx) = %AB2 (2 sin x +sin 2x)

Xétham s f(x)=2sinx+sin2x Vdixe(o;%J 6 f'(x)=2cosx+2cos2x.

1
COSX =—
Taco: f'(x)=0< 2cosx+2cos2x=0<>2cos’ x+cosx—1=0< 75
cosx=-1
T\ . R 1 V4 1 . oA
Do xe O;E nén ta nhan cosx=5<:>x:?.Tacobangblenthlen:
x 0 T
2
S + -

M‘gl ol w|y

f(x) /

ENER
2

T

Tur bang bién thién ta thiy: max f (x)< at duoc tai x = %

&
= max § =108+/3(m”) khi goc ¢ ddy CD cia hinh thang bing % (6 -D= Zj .

Khi d6 a =108y/3 =10.a ~1871
Cho hai vitri A, B cach nhau 615m, cing nim vé mdt phia b séng nhu hinh v&. Khoang cach
tr A vatr B dén bo song lan lugt 12 118m va 487m . Mot nguoi di tir A dén bo song dé lay
nuéc mang vé B . Poan dudng ngin nhat ma ngudi d6 6 thé di 1a (don vi mét, két qua lam tron
dén hang don vi)

Loi giai
Tra loi: 780
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2 A

DE ON TAP KIEM TRA GKI TOAN 12

=3
-

615m

369m

487m

) =
v}

118m
118m

ey

i
]
I
I
I
i
1

Gia sir ngudi d6 di tir A ¢én M dé ldy nude va di tir M vé B.
dé dang tinh duoc BD = 369, EF = 492. Ta dat EM = z, khi d6 ta dugc:

MF =492 — z, AM = 2> +118*, BM = \/(492 — x>2 + 487,

Nhu vay ta c6 ham sb f (x) duoc xac dinh bang tong quing dudng AM va MB:

f(x) =2’ +118° + \/(492 _ x)2 1487 véi gz € [0; 492]

Ta can tim gia tri nho nhét cua f (a:) dé co dugc quang duong ngin nhét va tir 46 xac dinh dugc

_ T _ 492 — x
Ja? 41182 \/(492 — a:)2 + 4877

vi tri diém M. f'(z)

- T B 492 — ¢
Jazb + 1182 \/(492 — x)2 + 4877

T 492 — x

RN =
Ja? + 118 \/<492 o) 4 487

N :1:\/<492 _ :c)2 + 487" = (492 — o )ya* +118°

f'(z)=0 =0

2 2
2*|(492 - z) + 4872] = (492 - z) (o* +1187) (48795)2 = (58056 — 1189:)2
& &
0 <z <492 0<z<492
QSZM hay x:—@ 58056
< 605 369 < T =—"+—
0 <z <492 605
.z A n , s 58056 ,
Ham so f(a:) lién tuc trén doan [O; 492]. So sanh cac gia tri cua f(0), f 605 I’ f(492> taco

58056

i4 tri nho nhat 1a f|———| ~ 780(m
gi / 605] (m)

Tim khoang tt phan vi cia mau s6 liéu ghép nhom cho trong bang sau: Thoi gian (phit) truy cap
Internet mdi budi t6i ciia mot sé hoc sinh dwoc cho trong bang sau: (két qud lam tron dén hang
phan tram)
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Cau 5:

DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Théi gian (phat) | [9.5:12,5) | [12,5;15.5) | [15,5: 18,5) | [18,5; 21,5) | [21,5; 24.,5)
S6 hoc sinh 3 12 15 24 2

Loi giai
Tra 1oi: 4,75
Codmaula n=>56.

Xy X5

T phan vi thir nhét O la .Do x,,,x;5 déu thudc nhom [12,5;15,5) nén nhom nay chua

Q-

%3

Do d6, p=2;a, =12,5m, =12;m, =3,a,—a, =3 vatacd O, =12,5+ 412 :3=15,25

Xyp T Xy5

Véi tr phan vi thir ba O, 1a . Do x,,,x,; déu thuéc nhom [18,5;21,5) nén nhoém nay

chua Q;.

Do do, p=4;a, =18,5;m, =24;m +m, + my =3+12+15=30;a, —a, =3 vatacod

Vay khoang tir phan vi: AQ =0, -0, =20-15,25=4,75.
Mot chiéc may bay khong nguoi 1ai bay 1én tai diém trén mat dat voi van toc trung binh
200km / h. Sau thoi gian 12 phut bay, chiéc may bay cach diém xuét phét vé phia Bac 31(km)
va vé phia Pong 25(km). Khi d6 may bay cach mat dat bao nhiéu km (don vi km, két qua lam
tron dén hang phan tram). Biét may bay bay theo mot duong thang.

Loi giai
Traloi: 3,74.
Chon hé tryc toa d§ Oxyz , véi goc dit tai diem xuét phét cia chiéc mdy bay, mat phang (Oxy)
trung v6i mat dét, truc Ox hudng vé phia Bic, truc Oy hudng vé phia Pong, truc Oz c6 phuong
thang ding va hudng 1én trdi, don vi do 1dy theo kilomét (hinh v&).
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Ciu 6:

DE ON TAP KIEM TRA GKI TOAN 12

Goi M 1a vi tri ciia may bay sau khi bay dugc 12 phaut.

Thoi gian bay: ¢ =12 phut= 0,24.

Quang duong bay dugc sau 12 phat: OM =v, .t =200.0,2 = 40km

Goi x la cao d¢ cua diém M . Diéukién x> 0.

Tir gia thiét ta c6 M (31;25;x)

Khi d6 x 1a khoang cach may bay véi mat dat sau khi bay dugc 12 phiit.

OM =40 & OM* =40° < 317 +25° +x* =40 & x* =14

Suy ra x =+/14 ~ 3,74

Vay sau khi bay dugc 12 phut, may bay cach mit dat 3, 74km .

Cho mdt tAm nhém hinh luc giac déu canh 90(cm) . Nguoi ta cit & mdi dinh cta tim nhom hai
hinh tam giac vudng bang nhau, biét canh goc vudng nhoé bang x (cm) (cit phan t6 ddm cua tam

nhom) rdi gap tim nhém nhu hinh vé dé duge mot hinh liang try luc gidc déu khong ¢ nap. Tim
x dé thé tich cta khdi lang tru luc gidc déu trén 1a 10n nhat.

Loi giai

Tra loi: 0,75.
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DE ON TAP KIEM TRA CKI TOAN 12 CTM THEO FORM BGD 2025

Diéu kién 0< x <45
Canh déy cua ling tru luc giac déu: AB = HK =90 —2x

Chiéu cao ctia lang tru lyc giac déu: HA = MH.tan 60" = 3

NG

Dién tich day cta lang tru luc gidc déu: S, peper = 68 450 = 6.~-(90- 2x)’

Thé tich cua khoi lang tru luc gide déu: ¥ (x)= HAS ;pcppr = %x(90 —~ 2x)2

Hay 7 (x)=18x> —1620x> +36450x
Xétham s6 V' (x)=18x" —1620x” +36450x trén khodng (0;45).
V'(x)=54x" —3240x + 36450

V'(x) =0 < 54x* —3240x+36450=0 < x =15 hodc x =45 (loai).

Bang bién thién:
0 15 45
V'(x) + 0 —
243000
V(x)
0 0

Tir bang bién thién ta co: max V (x)=243000(cm’ ) khi va chi khi x =15cm

Vay thé tich ctia khdi lang tru luc gidc déu 16n nhat khi va chi khi x =15¢m
---------- HET -
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