Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

NGUYEN HAM

LY THUYET

1. Dinh nghia
= Cho ham sb f(x) xdc dinh trén K. Ham s6 F (x) dugc goi 1a nguyén ham cta ham sé f (x)

trén K néu F'(x)= f (x) v6i moi X thuoc K.
= Ho tit ca cac nguyén ham cta ham s f (x) ky hi¢u la I f (X) =F (X)+C .
= ChUy: Moi ham s lién tuc trén K déu co nguyén ham trén K .
2. Tinh chat
= Néu f,Q 14 hai ham s6 lién tuc trén K thi “ f(x)+ g(x)]dx = I f(x)dx £ J g(x)dx .

. jkf (x)dx:kjf(x)dx (V&i k#0)=> j[k.f(x)+|.g(x)]dx:kjf(x)dx+|jg(x)dx
. (jf(x)dx)’:f(x)w
jf[u(x)]u’(x)dx:F[u(x)]+C

3. Cong thirc doi bién so:

4. Cong thirc nguyén ham tirng phan: Iudv =uv— j vdu

5. Bang nguyén ham va vi phan

Ham sé so cap

Ham hop u = u(x)

Thuong gap

jdx:x+C _[du:u+C Vi phan id(ax+b)=dx
gy = X C 1 aqu = u C 1 j(ax+b)“dx—l-i(ax+b)‘“l+c
Ix X=——+ (a=-1) ju u=——+ (a=-1) = o
%:In|x|+c (x=0) OI—u:In|u|+C (u(x)=0) I o :lln|ax+b|+C (a=0)
u ax+b a

Icosxdx:sinx+C

jcosudu =sinu+C

[[cos(ax-+b)dx = isin(ax+b) iC

J'sin xdX = —cos X +C

Isin udu =-cosu+C

[fsin(ax+b)ax = —écos(axm) iC

dx=tanx+C du=tanu+C dx 1
jcoszx Icoszu Ingtan(aXer)ﬂLC
=— du=-cotu+C _
Isinzxdx cotx+C Is’i'nzu Iﬁzfcot(ax+b)+c
Vé&i x =k Vi u(x);tkﬂ
ax+ 1 ax+
IeXdX:eX+C je“du:e“+C je bdx=ge b, C
Iaxdx— 2 ,c (0<a=1) ja“du— 4 i (0<az1) japx*qu:iap“MC (0<a=l)
Ina Ina p.Ina
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Nguyén ham, tich phén va& Ung dung

< MOt s0 nguyén tac tinh nguyén ham co ban
e Tich cua da thuc hodc liy thira — 5 Khai trién.
e Tich cac ham mii —=—> khai trién theo cong thirc mii.
e Bac chin cia sin hodc c0S—=— ha bac: sin’a = % - l(:0521:1 : cos’a = % + %cosZa
e Chua tich cac can thirc cua x—2— chuyén vé liy thira.
< Phuong phap d6i bién sd
e Néu Jf(x)dx = F(x) +C thi jf[u(x)].u’(x)dx = F[u(x)] +C
e Gia st ta can tim ho nguyén ham I = J f (x)dx , trong d6 ta c6 thé phan tich ham sb da cho

£(x) = g[(x) ] () thi ta thye hign phép ddi bién dat ¢ —u(x) = dt = (x)dx . Khi do, ta thiy

I:Jg(t)dt :G(t)+C :G[u(x)}rC .

e Chuy: Sau khi ta tim dugc ho nguyén ham theo ¢ thi ta phdi thay ¢ =u(x).

, P
% Phuwong phap tinh nguyén ham, tich phan cia ham s6 hitu ty I = J-%dx :
x

e Néu bac cua tir s6 P(x) > béc clia mau sb Q(x) — 5 Chia da thuc.

e Néu bac cua tur sb P(x) < bac ciia mau sb Q(x) —LP% 5 phan tich mau Q(x) thanh tich s, roi
str dung phuong phap chia dé dua vé cong thirc nguyén ham sé.

e Néu mau khong phan tich duoc thanh tich s6 —*— thém bt dé doi bién hodc lwong giac hoa

bang cach dat X =atant , néu mau dua dugc vé dang X* +4a°.

< Nguyén ham tirng phan
e Chohaiham s6 u va v lién tyc trén [a;b | va c6 dao ham lién tyc trén [ ;b . Khi d6 ta c6 duge
Iudv =Uv —.fvdu (*)
e Dé tinh nguyén ham J.udv =Uv— J.vdu bang phuong phap timg phan ta lam nhu sau:
e Buoc 1: Chon u,v sao cho f(x)dx =udv (Chuy: dv= v’(x)dx va)
» Tinh v= Idv va du=u'dx .
=  Buwdc 2: Thay vao cong thirc (*) va tinh .fvdu :
= (Can phai lya chon u va dv hop li sao cho ta d& dang tim dwoc v Vva tich phan Ivdu dé
tinh hon I udo .

» Meo nhé: “Nhét 16, nhi da, tam lwgng, tir mii”
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VI DU MINH HOA

VIDU 1. Choham s f(X) lién tuc trén R . Biét sin3x la mot nguyén ham cua ham sé f (x).e*, ho tét

ca cac nguyén ham cua hamsé f'(x).e* 1a

A. 3cos3x—sin3x+C. B. —3cos3x—cos3x+C.
C. 3sin3x—cos3x+C . D. 3cos3x—cos3x+C.
Loi giai
Chon A
Ta c6 sin3x 1a mot nguyén ham cua ham sé f (x).e* suy ra f (x).e* =(sin 3x)’ =3Cc0S3X .
Xét | :J f'(X).eXdX. Pit u==e - du=e dX.
dv = f'(x)dx v=f(x)

Khi dé ta cé | :j f'(x).edx = f(x).e” —J'f(x).exdx:3cos3x—sin3x+c.

VIDU 2. Chohamsé f(X) liéntuctrén R . Biét X* —3x+1 1a mot nguyén ham caa ham sé f) . ho

tat ca cac nguy@n ham caa ham sé f'(x).e** 1a

_ 2X _ X _ 2X
A.%+C. B. 2x— 26 +C. c.4X25e iC. g.%m.

Loi giai
Chon D

Taco X*—3X+1 1a mét nguyén ham caa ham sé 1) suy ra E=(x2 —3x+1)’ =2x-3.
X X

Suyra f(x)=2x>-3x suyra f'(x)=4x-3.Xét | :I(4x—3).ezxdx.

o U=4x—3 du = 4dx
a = :
dv = e?*dx V= le2X
2
Khi do6 ta co:
4x —3).e* 4x —3).e** 4x —5e*
I:J.(4x—3).ezxdx:Q—Zjezxdx=¥—ezx+ =—+C.
2 2
Vi DU 3. Tim jsin5x.cosxdx .
A. 1c035x+C. B. —lcos4x—ic036x+c.
5 8 12
1 1 1
C. —=cosb5x+C. D. =cos4x+-—cos6x+C.
5 8 12
Loi giai

Chon B

Taco: _[sin 5X.C0S X dX = %I(sin 6X+sin 4x)dx
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Nguyén ham, tich phén va& Ung dung

1 x 1 1 1
== —ﬁ——coﬂx +C =——cos6x—=cos4x+C..
2 6 12 8
( )2017 1 ( 1)b ' ) . . .
Vi DU 4. Cho de —g ( 1) +C vo6i a, b, C lacac so nguyén. Gia tri a+b+c bang
X+
A. 4.2018. B. 2.2018. C. 3.2018. D. 5.2018.
Loi giai
Chon A
x—1 2017 2017 _
= %dx_j(x 1) : 1 de.Dattzx—l =dt= 2 5 dx.
(x+1) X+1 (x+1) X+1 (x+1)
. gt 1 t°° 1 (x-1)™
Khidé 1=[t2==—+C=_—=- |27 c
16 1= [t 2 =2 5018 T C = 22018 (x+1j "
2018 2018
_ 1 x—-1
= : (X_lj +C = ( )2018 +C
2.2018 | x+1 2.2018"(x +1)

Suy ra a=2.2018, b=2018, c =2018 Nén a+b+c=4.2018.

VI DU 5. Biét F(x) 1amot nguyén ham caaham s f (x) = iz ,thoamén F(3)=1va F(1)=2,0i4

X_
tri cia F (0)+F (4) bang

A. 2In2+3. B. 2In2+2. C.2In2+4. D. 2In2.
Loi giai
Chon A
Ham so f (x) xéc dinh trén R\{2}.
In(x-2)+C, khix>2

Ta co: F(X):Jf(x)dxz L = (x=2)+C, _ :

X—2 In(2-x)+C, khix<2

F(3)= C, = In(x-2)+1 khix>2

1
DO{F(l) 2@{ .Khi dé F(x)= {

VayF (0)+F(4)=(In2+2)+(In2+1)=2In2+3.

C,=2 In(2-x)+2 khix<2’

VI DU 6. Cho F (x) la nguyén ham clia ham s6 f(x)=— I va F(0)=-In2e. Tép nghiém S cia
e+
phuong trinh F (x)+In(e* +1)=2 Ia:
A. S ={3}. B. s={2;3}. C.s={-2:3}. D. s={-33}.
Loi gidi
Chon A
e)(
TaCé I=If(X) X :J‘#dx
e +1 e*(e* +1)
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dt 1 1
pitt=e"=dt=e'dx. 1= |——=|(-——)dt=Int-In(t+1)+C =Ine* —In(e* +1) +C.
‘ tt+2) J.(t t+1) (t+]) ( )
Khi do: F(x)=Ine*-In(e*+1)+C, F(0)=-In2e < -In2+C=-In2-1<C=-1
Do do: F(x)=Ine* —In(e* +1) —1.

F(x)+In(e* +1)=2< Ine"~In(e* +1)-1+In(e* +1) =2 & Ine* =3 x=3.

Vi DU 7. Cho ham sé f(x) théa man f'(x)+2xf (x)=2xe™, ¥xeR va f(0)=1. Tét ca cic
nguyén ham cia x.f (x)e* Ia

A. (x2 +1)2+C. B. %(x2+1)2 e¥+C.C. (x2+1)2 e +C. D. %(x2+1)2+C.

Loi giai
Chon D

!

Taco f'(x)+2xf (x)=2xe‘X2 <:>exz(f'(x)+2xf (x))=e"2.2xe‘X2 <:>(eXz f (x)) =2X
:>exzf(x)=J'2xdx=x2+C.
Vi f(0)=1C=1=f(x)=(x"+1)e ™.

Vay [xf (x)edx = [ x(x® +1)dx :%j(xz +1)d(x* +1) =%(x2 +1) +C.

VI DU 8. Goi F(x) la nguyén ham trén R cia ham s f(x)=x%(a=0), sao cho

1 . .
F (—) =F (0) +1. Chon ménh dé dung trong cac ménh dé sau.

a
A. 0<a<l. B.a<-2. C.a>3. D.1<a<?2.
Léi giai
Chon A
U= du = 2xdx
F(x)=|x%¥dx.pat{ = 1
() -[  |dv=e®dx |v=—e"
a
1 2 jax 2 ax 1 2 _ax 2
= F(x)==x%e* —=| xe¥dx==x"e*-—.A (1
(x)=> af " ~A (1)
du =dx
XétAzjxeaXdX Pat = = 1 :A—Exe“—lfeaxdx (2)
T ldv=e®dx  |v==¢* a a
a

Tir (1) va (2) suy ra F(x):ixze”—a—zzxeax+§.|'eaxdx=§x2eax—%xeawéeauc.
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Nguyén ham, tich phén va& Ung dung

1
v £ 1

j=F(0)+1:> %e—£e+%e+C=%+l+C
a a a

a3

—sal=e-2=a=3%e-2=0<a<l.

2

2 In 1 . . . .

VIDUO9. Cho | :J.(X+ ))2( dX:EIn 2—= vé6i a,b,C 1a cac s6 nguyén duong va cac phan s6 1a phan sd
1(x+1 c

t6i gian. Tinh gid tri cia biéu thic § = 242
c
A s=2 B.S=1. C.s=2. D.s=1.
6 3 3 2
Loi giai
Chon A
2 2 2
X+Inx In x
Taco |=_[ > dx= _[ _[ > dx.
1 ( x+1 1 ( x+1 1 (x+1)
20X
Xet = [ ——dx. bat t=x+1=>dt=dx.
1 (x+1)
3 3 3 3
t-1 1 1 1 1
l,=|——dt=|=-dt—| =dt=Inf{t -l =lIn=——=.
[t f Loy :

| 1 11
xét I, = sdx=——Inx +] dx=—ZI 2+I(———jdx
1 (x+1) x+1 | 1 x(x+1) 3 X x+1
S 4
l,=-=In2+In ——ZIN2+In= Dods 1=in>-% Lo m2-_2jno-L
x+1, 3 3 2 6 3 3 6
a+ 2+3 5
—=s="""_0T0
c 6 6
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LY THUYET

TICH PHAN

1. Dinh nghia

2. Tinh chat

® jl‘f(x)dx=0

b c c
® [ f(x)dx+[ f(x)dx=[ f(x)dx (a<b<c)
a b a

b b b b b
= Dinh nghia: [ f(x)dx= F()[ =F(b)-F(a).Chay: [ £00dx=[ f()dt = f(uydu=]f(y)dy=...

@ T f(x)dx = —.T f (x)dx
a b

b b b
® j[f(x)ig(x)]dx:jf(x)dxijg(x)dx.

3. Bang nguyén ham va vi phan

b b
® [k.f(dx=k[f()dx (keR)

Ham s6 so cap

Ham hop u = u(x)

Thuong gap

T:In|x|+C (x=0)

T:In|u|+C (u(x)=0)

jdx:x+C Idu:u+C Vi phén id(ax+b)=dx
[t = X" ¢ (ax-1) Jud = U ¢ (a#-1) | [(axsby =t L aanytic
a+l a+1 a a+l
dx du

:lln|ax+b|+C (a=0)
b a

Icosxdx:sin x+C

_[cosudu =sinu+C

jcos(ax +b)dx = isin(ax +b)+C

jsin xdx =-cosx+C

Isin udu=-cosu+C

Isin(ax+b)dx = —écos(ax+b) +C

J. —dx=tanx+C
cos” X

_f —du=tanu+C
cos” u

cos®(ax+b) T a

X ltan(ax+b)+C

dx=-cotx+C

J‘sinz X

du=-cotu+C

jsinzu

sin’(ax+b) " a

2 _—1cot(ax+b)+C

Vo1 x =k Vi U(X)ikﬂ
JeXdX:eX-l-C Ie”du:e“+c IeaHbdX:EeaHb_‘_C
a
' ’ X+ 1 X+
Jaxdx:l:a+c (0<a=l) ja“du:li—a+c (0O<a=1) jap qu:map "+C (0<a=l)

4. Phuong phéap doi bién s6

= Dang1: Cho ham s6 f lién tuc trén doan [a;b]. Gia sir ham s& u=u(x) c6 dao ham lién tuc trén
doan [a;b] V& a <u(x)< B. Gia sit c6 thé viét f(x)=g(u(x)u'(x),xe[a;b], véi g lién tuc trén
doan [«; A]. Khi do, ta co :
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Nguyén ham, tich phén va& Ung dung

b u(b)
jf(x)dx_ j g(u)du.
a u(a)

* Dang2: Cho ham s6 f lién tuc va co dao ham trén doan [a;b]. Gia str ham sd x = g(t) c6 dao ham
va lién tuc trén doan [a; 8] sao cho ¢(a) =a,¢(B) =b VA a<g(t)<b véi moi te[e; B] Khi do:

b B
[ f09dx=[ f (o) Ot

Mot s6 phuong phap d6i bién: Néu biéu thirc dudi dau tich phan co dang

® Ja®—x?: dat x=|a|sint; te[——— ® Jx? datx—— [ }\{O}

22

® \x? x = a|tant; te(—Z zj ’a+xh a / . dat x=a.cos2t
2 2 a—x a+x

5. Phwong phap tirng phin

»  Néu u=u(x) V& v=v(x) 1 hai ham sb c6 dao ham va lién tuc trén doan [a;b] thi :

b b
J'udv =uv [’ —jvdu
a a

b
= Cic dang co ban: Gia sir can tinh | =IP(X).Q(x)dx

. . P(x) : da thtc P(x) : da thic
Dang ham Q(x) la sinkx hodc L Q(x) la Q(x) la —
Qx) lae sin? x
cos kx 1n(ax+b)
5 u="P(x) u=P(x) u=In(ax+h) u=P(x)
Cach dat N A N . N A N . N A . .
: dv la phan con lai dv la phan con lai dv= P(x)dx | dvlaphan con lai
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VI DU MINH HOA

VI DU 1: Cho ham sé f(x) c6 dao ham lién tuc tréen R va théa man f(0)=3 va

2
f(X)+ f(2—x)=x*-2x+2,vxeR. Tich phan _[xf '(x)dx bang
0

A2 B. 2. c.2 p. Z10
3 3 3 3
Loi gisi
Chon D.

Thay x=0 taduoc T(0)+f(2)=2= f(2)=2-f(0)=2-3=—1

2 2
Ta co: j f (x)dx =j f (2—x)dx
0 0

2 2 2
Tir h¢ thire dé ra: [ (f(x)+ f(2-x))dx=j(x2—2x+2)dx=§:>j f(x)dx:g.
0 0 0

Ap dung cbng thic tich phan ting phan, ta lai co:

J:.xf (X)dx =xf ()] —i f (x)dx = 2.(~1) —g _ _%,

e*+m khi x>0

2x+/3+ x? khix<0

1
VI DU 2: Cho ham sé f(x):{ lién tuc trén R va jf(x)dx:ae+b\@+c,
-1

(a,b,ceQ). Téng a+b+3c bang

A. 15. B. -10. C. -19. D. -17.
Lo g
Chon C
Taco lim f(x)= Iim(ex+m)=m+1, lim f (x)= Iim(2x\/3+x2)=0 va f(0)=m+1.
x—0" x—0" x—0~ x—0"

Vi ham sb di cho lién tuc trén R nén lién tuc tai x=0.
Suy ra XILT f (X)ZXILT f(x)=f(0) hay m+1=0< m=-1.
1 0 1 0
Khi d6 _[ f(x)dx:j2xxl3+x2dx+j(ex—1)dx:J\/3+ X*d(3+x%)+
-1 0 -1

-1

(e* —1)dx

O Ly

0

:§(3+x2)\/3+x2

+(eX —x)‘: =e+2\/§—2—32.

-1

Suyraa=1,b=2, c:—2—32.

Vay tong a+b+3c=-19.
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Nguyén ham, tich phén va& Ung dung

1 2
VI DU 3: Cho ham s f(x) lién tuc trén R théa [f(x)dx=2 va [f(3x+1)dx=6 . Tinh
0 0

A. 1 =16. B. 1 =18. C.1=8. D.1=20.

Loi giai
Chon D
1 2
A:J'f(x)dx:Z, B=If(3x+l)dx:6 dat t =3x+1= dt =3dx.
0 0
.. x=0=>t=1
Doi can :
{x=2:>t:7
17 7
Ta ct: Bzéjf(t)dt:6:>jf( )dt = 18:>_[ x)dx=18.

1 1

Vaylzjf(x)dx Jl.f dx+j x)dx = 20.
0 0

2 3sinx - .
Vi DU 4: Biét [ X=X gy 1o bing+c(b,ceQ). Tinh 22
5 28IN X +3C0S X 3 c
A2 B, 2%, c 2 p. 2.
3 3 3r 13
Loi giai
Chgn C
bt SSiNX—COSX ~ m(2sinx+3cosx)+n(2cosx—3sinx)
" 2sinx+3cosx 2sin x + 300 X

_ (2m—3n)sin x +(3m +2n)cos x
- 2sin X +3¢0s X

3
m=—
. . . 2m-3n=3
Dong nhat hé so ta co: = 13 .
3m+2n=-1 B E
13

w“-’o

(2sinx +3cosx) —E(Zcosx —3sinx)
dx

z r
T 3sin x — €os X j
0 0

23|nx+3cosx 2sin X+ 3cos X

71'

3 11 2cosx—3sinx 3, \% 11%2cosx—3sinx
— - dx:—(x)‘2 -—= = dx
13 13 2sinx+3cosx 13" 7% 13y 2sinx+3cos X

o'-—,m\-ﬁl
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/2

2d (2sinx+3 . z
_3r U ( §|nx+ COSX)dx:3—”—£In|25|nx+3005x| 2
26 13y 2sinXx+3cosX 26 13 0
po 1l
3 N s podsr ] BB 1126 2
26 13 = 13 L3 ¢ 1383 3
26
“ 2 . \ A 2 A 1,4 - 3 3e” +1
VI DU 5: Khang dinh nao sau day dung vé két qua IX In xdx = ?
1
A. a.b=64. B. a.b=46. C. a-b=12. D.a-b=4.

Loi giai
Chon A

U=Inx du==dx
bit { = X Ap dung tich phan timg phan ta tinh dugc:

dv = x3dx 1.,
V==X
4
° e 4 a=4
Ix Inxdx——x Inx I =X _% +1:> —a.b=64.
14" 16 . 16 b=16

2
VIDU 6: Cho ham s f (x) c6 dao ham lién tuc trén doan [0;2] vathoa man f (2)=16, .[ f(x)dx=4

0

1
Tinh tich phan | = [x.f'(2x)dx.
0

A 1=12. B.1=7. C. 1=13. D. 1=20.
Lo giai
Chon B
Pit t=2x = dt=2dx. Pdican: x=0=>t=0va x=1=>t=2.
u=t du =dt
Vi I——tf t)dt. it khi d6 41 = tf (t f(t)dt
i j a{dv=f’(t)dt:>{v=f() do 41 =t ( ]‘I Y

=2f(2)- jf()dx 32-4=28=1=7.

0

2

VI DU 7: Tinh tich phan 1 = [*xIn (x+1)dx ta duge két qua c6 dang 25—

, trong d6 a, b, ceZ

. a Lo Ae
va b 1a phan s6 t6i gian. Tinh T =a® +2b-3c.

A l7. B. 10. C. -17. D. 18.

Loi giai
Chgn C
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Nguyén ham, tich phén va& Ung dung
, e-1
Xét | :jo xIn(x+1)dx

du =——dx
u=In(x+1
Pt () i d6 ta chon duoe x+1
dv = xdx _x-1
2
Suy ra | —Ie_lxln(x+l)dx— X~ In(x+1) el_Ie—lx—ldX_ez—Ze_xz—Zx o~
0 2 2 4 o
_e°-2 e’-4e+3 ¢’-3
2 4 4
Dodé a=1b=-3,c=4.Vaytaco T =a’+2b-3c=1"+2(-3)-34=-17.
. L 3 x J3 _ L .
VI DU 8: Bict | =I —0x =—7—Inb, véi a,b la cac s6 nguyén duong. Tinh gia tri ctia bicu thuc
4 COS°X a
T=a’+b?
A T=9, B. T =13. C.T=T7. D. T =11.
Loigiai
Chon D
3 u=x du = dx
Tagiéi:lzj X2 dx. bat dx = :
5 COS“X av=— vV =tanx
cos’ X
3 T 3.d cosx z
Suy ra: | = xtan x|? —ftan xdx = xtan |2 +f = xtan x+ In|cos x| ‘3
) ) cosx 0

- tanz+ln
373

T
coSs— —x—Inb
3 a

]— O.tanO+In|cosO| :gw—an: V3

a=3 )
= =a"+b=11
{bzz

2
VIDU 9: Choham s6 f (x) thoa man A= [(x—1) f'(x)dx=9 va f(2)+ f(0)=3.
0
2
Tinh 1= [ f(x)dx
0

A 1=12. B. I =-12. C.1=-6. D. 1=6.

Lai giai
Chon C
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it u=x-1 du =dx
¢ dv=f’(x)dx:> v="f(x)

N

Taco: A= :[(x—l) f'(x)dx=(x-1) f (x)

_E f(x)dx=T(2)+ 1 (O)_E f(x)ox.

(@)

Véi A=9va f(2)+f(0)=3nénI=

O ey N

—h
—~~
>
~—"
o

X

Il

|

(o]

Vi DU 10: Nghiém dwong @ cua phuong trinh j(Zx—l)In xdx = (a2 —a)ln a—9 thuoc khoang nao sau
1

day?
A.(L3). B. (3,5). C. (57). D. (7;10).

Loi giai

Chon C

\ . 1 \
Pit u=Inx va dv=(2x-1)dx, tacé du==dx va v=x"—x.
X

a a

Khi do, dat | :J.(Zx—l)ln xdx:(xz—x)ln x|f—'[(x2—x)§dx.
1 1

a

=(a’ —a)lna—;f(x—l)dx =(a*-a)In a—[x?z—x]

1

:(az—a)lna—(%z—%—aﬂj :(az—a)lna—(a—;—a+%).
a’ 1 {a=1—3\/§

Theo gia thiét: | =(a’-a)lna-9="--a+>=9a’-2a-17=0< .
2 2 a=1+32

Do a>0nén a=1+3v2.
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Cac phuong phap tinh nguyén ham co ban

3 2 _
Caul: Tim nguyén ham cua ham s F(x) ciahamsé f(x)== +3x”+3x -1

x*+2x+1
2
A F(x)=1+ 2 _.c. B. F(x)zx—+x+i+c.
(x+1)2 2 x+1
2
C. P(x)=X+x-—21C. D. F(x)=1-—=—+C.
2 x+1 (x+1)
Cau 2: Tinh Isin?;x dx.
A. —%cos3x+C. B. —cos3x+C. C. cos3x+C. D. %cos3x+C.
Cau3: Chohamsd f(x) c6 dao ham véi moi xe R va f'(x)=2x+1. Gidtri f(2)-f(1) bang
A. 4. B. -2. C.2 D. 0.
Cau4: Nguyén ham ciiaham so f(x)=+3x+2 Ia
A %(3x+2)\/3x+2 +C. B. %(3x+2)\/3x+2 +C.
C. 2(3x+2)\/3x+2 +C. p3_ L .c
9 2\3x+2

Cau5: Ho nguyén ham ctia ham s f(x) = 1+ sinx la
x

A. ln|x|+cosx+C. B. ln|x|—cosx+C. C. Inx—cosx+C. D. lz—cosx+C.

X

r
A

Cau6: Tim mdt nguyén ham F(x) cua ham so f(x)=ax+%(x¢0) , biét rang

F(-1)=1,F(1)=4,f(1)=0. )

4 2x 4
C. Fx) =337 b pr)= 3L
4 2x 4 2 2x 2

Cau7: Cho ham sé F(x) la mot nguyén ham cua f(x)=2019"(4-x")(x* —3x+2). Khi d6 s diém
cyc trj cia ham s6 F(x) la
A. 3. B. 4. C.2 D. 5.

Cau8: Timnguyén ham ciia ham s0 f(x)=(x+1)(x+2).

A If(x)dx:x—;+§x2+2x+C. B. If(x)dx:2x+3+C.
C. If(x)dxzx—33+§x2+2x+C. D. If(x)dxzx—;—§x2+2x+C.

Cau 9: Tim ho cic nguyén ham ctia ham s6 f(x)=3x+1.
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A. [ f(x)dx = %(395 +1)* +C. B. [ f(x)dx =(3x+1)+C,
C. [ flx)dx = %(33( +1)*+C. D. [ f(x)dx = %(33( +1)*+C.

Cau 10: Cho F(x) lamotnguyén ham cua f(x):i1 trén khoang (1;+) thoaman F(e+1)=4.Tim

F(x). _

A. 2In(x-1)+2. B. In(x-1)+3. C. 4In(x-1). D. In(x-1)-3.
Céau 11: Cho F(x) la mot nguyén ham cua f(x):% trén khoang (1;+c)thoa man F(e+1)=4.
x—
Tim F(x).
A. 2In(x-1)+2. B. In(x-1)+3. C. 4In(x-1). D. In(x-1)-3.

Cau 12: Cho F(x)la mot nguyén ham cua ham sé f(x) = .Biét F(1)=2. Giatricia F(2)la

2x -1

A F(2)=%1n3—2. B. F(2)=In3+2.  C. F(2)=2In3-2. D. F(2)=%ln3+2.

Cau 13: Tim nguyén ham ciia ham s f(x)=3x +§ :

A. If(x)dx:x3+%2+C. B. If(x)dx :x—33+xzz+C.
C. If(x)dx=x3+x?2+c. D. .[f(x)dx=x3+xz2+C.

Cau 14: Tim nguyén ham ctia ham s6 f(x)=3x +§ .

2 3 2

A. X)dr =2+ +C. B. X)dr=2+2 4C.
[£(x) 5 [Fx)de ="+
; X 5 X
C. x)dx=x"+—+C. D. x)dx=x"+—+C.
[£(x) > J£(x) .
Cau 15: Nguyén ham cia f(x):i la
xx
A. £+C. B. i+C. C. _—2+C. D. £+C.
2 Jx Jx 2
Cau 16: Ho nguyén ham caa ham s f(x) = 2sinx.cos2x la
A. —%cos3x+cosx+C. B. %cos3x+cosx+C.
C. %Cos3x—cosx+C. D. —cos3x+cosx+C.
Cau 17: Ho nguyén ham ctia ham s6 f(x) = 2x +sin2x la:
A. xz—%0052x+c. B. x2+%c052x+c. C. x> —2cos2x +c. D. x? —2cos2x +c.

Cau 18: Hamsé f(x) c6 dao ham lién tyc trén R va: f'(x)=2e* +1, Vx, f(0)=2. Ham f(x) la
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Céu 19:

Cau 20:

Cau 21:

Cau 22:

Céau 23:

Céu 24:

Céau 25:

Céau 26:

A y=2e"+2x. B. y=2e"+2. C.y=e"+x+2. D.y=e*+x+1.
Ham sb nao dudi dy 1a ho nguyén ham cta ham sb Yy =cos2x ?
A. y=sin2x+C. B. y=%cos2x+C.
1 . 2 .
C. y=5(51nx+cosx) +C. D. y=2sin2x+C.

Cho If(x)dx =3x> —4x+C . Tim _ff(e")dx

A. If(ex)dx:%er—4ex+C. B. [ f(e*)dx =3¢ —de* +C.

C. If(e")dx=6e"+4x+C. D. .[f(ex)dx=6ex—4x+C.

Tim nguyén F(x) ctia ham s f(x):(x+1)(x+2)(x+3)?

A. F(x)=xz4—6x3+%x2 —6x+C. B. F(x):x4+6x3+11x2+6x+C.

C. F(x)zxz4+2x3+%x2+6x+C. D. F(x)=x"+6x"+11x"* +6x+C.
e 1,

Ho nguyén ham cua ham so f(x) = sinx.cosx + 1 la

A. F(x):ic052x+ln|x+1|+c. B. F(x)=—4cos2x+In|x+1|+C.

C. F(x):—ic052x+ln(x+1)+c. D. F(x):—ic052x+ln|x+1|+c.

Ho nguyén ham ctia ham s6 f(x)=x—-sin2x la

2 2 2
A. x2+1c052x+C. B. x——lcos2x+C. C. x—+c052x+C. D. x—+1cos2x+C.
2 2 2 2 2 2

Tim nguyén ham cua ham s6 f(x)=e" [2017— 201%‘?{ )
X
A. [ f(x)dx=2017¢" - 8. B. [ f(x)dx=2017¢" + 018 . c.
X X
C. [ f(x)dx=2017¢"+ 5(;44'5 +C. D. [ f(x)dx=2017¢" ——5(;44'5 +C.

Ham s6 F(x)=x’+sinx 12 mdt nguyén ham ctia ham so0 nao duédi day?
4

A. f(x)=3x"-cosx. B. f(x)=xz—cosx.

4

C. f(x)=3x"+cosx. D. f(x)=xz—cosx.

Ham s6 F(x)=x’+sinx 12 mdt nguyén ham ctia ham so0 nao duédi day?
4

A. f(x)=23x"-cosx. B. f(x)=xz—cosx.

4

C. f(x)=3x"+cosx. D. f(x)=xz—cosx.
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Céu 27:

Cau 28:

Céu 29:

Céu 30:

Cau 31:

Céau 32:

Cau 33:

Céau 34:

Céau 35;:

Ho cac nguyén ham ctia ham s6 f(x) =sinx+1 la

A. cosx+C. B. cosx+x+C. C. —cosx+C. D. —cosx+x+C.
()
Ham s0 y = f(x) c6 mot nguyén ham la F(x)=e* . Tim nguyén ham cta ham s6 -
e
A I—f(x)+1dx=1e"—e"+C. B. I—f(x)+1dx=ex—ex+c.
X 2 eX
C. I dx 2¢*—e " +C. D. J.Lj)fldx=2e"+ex+c.
e

Ham sb F(x) la mot nguyén ham ciia ham sé y ~ 1 tren (-0;0) théa mén F(-2)=0. Khang
X

dinh nao sau day dung?

E(x )—m( j N
F(x) =In|x|+C Vx e(-0;0) véi C lamot sb thuc bat ki,
. F(x) =In|x|+In2 Vx € (—0;0).
D. F(x)=1n(—x)+C Vx € (—o0;0) voi C 1a mét so thyc bat ki.
Cho ham s f(x) = 2x%*" +2xe™, ta c6 jf(x)dx = me**? + nxe®™ —pe* +C . Gié tri cua biéu

thirc m +n+p bang

AL B.2. c. B3 D. Z.

3 6 6
Cho biét I%x aln|x+1|+b1n|x—2|+C.
Ménh dé nao sau day dang?
A. a+2b=8. B.a+b=8. C.2a-b=8. D.a-b=8.
Tim nguyén ham F(x) cia ham sé f(x) =",

x
1 1
A. F(x)——ln|x|+;+C. B. F(x)—lnlxl—;+C.
C. F(x)=Inlxl+2+C. D. F(x)=-Inlxl-2+C.
X X

Bictham sd y = f(x) c6 f'(x)=3x"+2x+m, f(2)=1 vado thi ciaham sé y = f(x) céttruc
tung tai diém c6 tung d6 bang -5 . Ham s f(x) la
A xX*+2x*-5x-5. B.2x°+x*-7x-5. C.x’+x*-3x-5. D.x’+x*+4x-5.

Cho biét [ dx = aln|x-+2] +bln[x+3] . Tinh gia r biéu thirc: P =a’ +ab 0",
x°+bx+
A. 12. B. 13. C. 14. D. 15.
Ho nguyén ham caa ham sé f(x) = ~ 1a
(e"+1)
A. 2 +C. B. 2 +C. C. -1 +C. D. 1 +C.
e*+1 e*+1 e"+1 e*+1
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Céu 36:

Céu 37:

Céu 38:

Cau 39:

Cau 40:

Cau 41;

Cau 42;

Cau 43:

Cau 44:

Cho F(x) lamot nguyén ham ciiaham sé f(x)=e"+2x théamén F(0) =§ . Chon khang dinh

dung trong cac khang dinh sau

1

A F(x):e"+x2+§. B. F(x)=e"+x"—=.

2 2

X 2 3 x 2 1

C. F(x)=e"+x"+=. D. F(x)=¢"+x>+—.

2 2
Ham s6 f(x)=e+2x—5 la mot nguyén ham ciia ham sé nao sau déy?

—x 1 2 -x 2

A y=-e tox -5x+1. B.y=e " +x"-5x.

C.y=—e"+2. D.y=-e"+x*-5x+3.

Cho biét J.%dx = aln‘(x—l)(x+1)‘+bln|x|+c . Tinh gié tri biéu thirc: P =2a+b.
x'—x

A. 0. B. -1. C D. 1.

1
-
Goi F(x) la mot nguyén ham ciia ham s6 f(x)=2%, thea man F(0) =$- Tinh gia tri bicu

n

thic T = F(0)+F(1)+...+ F(2018)+ F(2019).

22019 +1 B T _ 22019-2020 C T _ 22019 _1 D T _ 22020 _1
In2 ' ' In2 ' In2

Goi F(x) la mot nguyén ham cua ham s6 f(x)=e*, théa man F(0)=2020. Tinh gia tri bicu

A. T =1009.

thic T =F(0)+ F(1)+...+ F(2018)+F(2019).

32020 _1 eZOl9 _1

A T= +2019.2020. B. T= +2018.2019.
e—1 e—1

C.T= +2020°. D.T= +2019°.
e—1 e—1

Cho ham s6 y = cos4x c6 mot nguyén ham 1a F (x), F [%j =2 . Khang dinh nao sau day la

ding?
A. IF(x)dxz—COZ4x+2x+C. B. IF(x)dx:—4cos4x+2x+C.
C. jF(x)dx:—cos4x+2x+C. D. .[F(x)dxz—colsglx+2x+C.

Cho j%ldx:aln|x—1|+b1n|x+1|+c,vé»i a, b 1a cac s6 hitu ty. Khi d6 a—b bing
x —_

A 1. B. 0. C.2. D. 1.

Choham sé F(x) = (ax® +bx —c)e* 1a mot nguyén ham ciia ham sd f(x) = (2018x* —3x +1)e* trén
khoang (—oo;+w). Tinh T =a+2b+4c.

A. T=1011. B. T=-3035. C. T=1007. D. T =-5053.

Cho ham s6 f(x) xéac dinh trén R\ {1} théa man f'(x)z%, £(0)=2017, f(2)=2018.
X

Tinh S=£(3)- f(-1).
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Cau 45;

Céu 46:

Cau 47:

Céau 48:

Céau 49:

Céau 50:

Cau 51;

Céu 52:

Céau 53:

A. S=1n4035. B.S5=4. C.S=In2. D.S=1.

2cosx—1

Cho ham s6 F(x) la mot nguyén ham cua ham sé f(x)= trén khoang (0;7). Biét

sin” x

rang gia tri I6n nhat cua F(x) trén khoang (0;7) la J3. Chon ménh dé dung trong cac ménh

dé sau.
F| Z|=3J/3-4. B.Fz—ﬂzﬁ. C.F|Z|=-3. D. F[ 2% |=3-43.
6 3 2 3 6
Biét ludn c6 hai s6 2 va b dé F( )= ax+:( a—b;tO) la mot nguy@n ham cua ham sb f(x)
X+

vathoaman 2f*(x) = (F(x)~1) f(x). Khing dinh nao dui day ding va day di nhét?
A aeR,beR. B.a=1,b=4. C.a=1b=-1. D.a=1beR\{4}.

Biét F(x) 14 mot nguyén ham ctia ham sd f(x) = sin2x va F(%j =1. Tinh F(%j .

S L G L 5 L G

Biét rang xe* 1a mot nguyén ham cua f(—x) trén khoang (—oo;+0). Goi F(x) la mot nguyén
ham ciia f'(x)e* théaman F(0)=1, giatri cua F(-1) bang

AL B, 2=¢. c.’=¢ D.
2 2 2

Cho F(x)la mot nguyén ham ciia ham s f(x)=e" (x’—4x). Ham s6 F(x*+

N |

N

x) €6 bao nhiéu
diém cuc trj?

A. 6. B. 5. C.3. D. 4.

Gia st ham s6 f (X) c6 dao ham lién tuc trén R, nhan gi tri duong trén khoang (0;+o) va
thoaman f(1)=1, f(x)= f'(x)v/3x+1 véi moi X >0. Ménh dé nao sau day la dung?

A. 4< f(5)<b5. B.1< f(5)<2. C.3<f(5)<4. D.2<f(5)<3.

Cho ham s f(x) c6 dao ham trén R\{O} thda man f’(x)+M=x2 va f(l):—l.Giétri cua
x

3) .
— | ban
f(zj g
L B. L. c. L. D. L.
% 64 18 24

Biét F(x)=(ax’ +bx+c)e1a mot nguyén ham cia ham sé f(x)=(2x2—5x+2)e"‘ trén R.
Gia tri biéu thuc £(F(0))béng:

A. —1 B. 3e. C. 20e°. D. 9e.

e
Cho hai ham sb F (x2 +ax+b) (x) = (x2 +3x+4)e" . Biét a,b 1a cac sb thuc dé F(x)

la mot nguyén ham cia f(x). Tinh S=a+b.
A. S=-6. B.S=12. C.S=6. D.S5=4.
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Céu 54:

Cau 55:

Céu 56:

Cau 57:

Cau 58:

Céau 59:

Céu 60:

Céau 61;

2x+1

Cho F(x) la mot nguyén ham cia ham s6 f(x)=———
X°+2x +x

— trén khoang (0;+oo) thoa man

F(1)= % Gia trj cuia biéu thic S =F(1)+F(2)+F(3)+ ... +F(2019) béng

. 2019. B. 2019.2021. C. 2018 1 . D. _2019.
2020 2020 2020 2020
Cho ham s6 f(x) théaman f(1)=3va x(4— f'(x)) = f(x)—1 v&i moi x> 0. Tinh f(2).
A. 6. B. 2. C.5. D. 3.

Cho hams6 y = f(x) xacdinhtrén R, théamén f(x)>0, VxeR va f'(x)-2f(x)=0.Tinh
f(-1) biétring f(1)=1.
A et B. ¢°. C.e'. D. e?.

Cho ham sé f(x) xac dinh trén R\ {—2} thoa man f'(x) = ?;cx+_21 : f(O) =1va f(—4) =2.Gia
tri cia biéu thirc f(Z) + f(—3) bang

A. 12. B. In2. C.10+1In2. D. 3-20In2.

Biét F(x) languyén ham cia ham s6 f(x)= x_;fsx . Hoi @6 thi cua ham s6 y = F(x) c6 bao
nhiéu diém cuyc tri?

A. V0 s6 diém. B. 0. C.1 D. 2.

3 Biét F(x) languyén ham cua hamso f(x)= Cosx+%x2 —1. Hoi db thi ctia ham s6 y = F(x)

¢ bao nhiéu diém cuc tri?
A. VO sb diém. B.0. C. 1. D.2.

Cho ham s6 f(x) théa mén (f'(x))2+f(x).f"(x):15x4+12x,Vxe]R va f(0)= f£'(0) =1.

Gi tri cia (f(1)) 1

A.10. B.S. c.2. D. 2.
2 2
Cho ham s f (x). Do thi cuaham s y = f'(x) trén [-3;2] nhu hinh v&.
1y
1
2
Biét f(-3)=0,giatricua f(-1)+ f (1) bang
Az B. 3 c.® p.2.
6 6 3 2
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Cau62: Cho ham s6 f(x)=0 ; f(x)=(2x+1).f>(x) va f(1)=-0,5 . Biét tong

F)+£(2)+ £(3) 4.+ £(2017) =2 (ae Z;b e N) véi % i gian. Chon khing dinh diing.

4
b

A.%<—1. B.a-b=1. C. b—a=4035. D.a+b=-1.

Cau 63: Cho ham sb f(x) lién tuc trén doan [0;4 ] théa man f"(x)f(x)+ [(];(x)gf _ f’(x)]z va
X+

f(x)>0 véimoi xe[0;4]. Biétrang f'(0)= f(0)=1, gid tri cia f(4) bing
A . B. 2e. C. e D. e’ +1.
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BANG DAP AN

1.B 2.A 3.A 4.C 5.B 6.C 7.C 8.A 9.C 10.B

11.B | 12D | 13.D | 14D | 15.C | 16.A | 17.A | 18.D | 19.C | 20.D

21.C | 22D | 23.D | 24.C | 25.C | 26.C | 27.D | 28.C | 29.A | 30.C

31.D | 32.C | 33.C | 34.B | 35.C | 36.D | 37.C | 38.A | 39.D | 40.A

41.D | 42.A | 43.B | 44D | 45A | 46.D | 47.D | 48.A | 49.B | 50.C

51.A | 52.D | 53.D | 54.C | 55.C | 56.A | 57.A | 58.C | 59.D | 60.B

61.B | 62.C | 63.A

HUONG DAN GIAI CHI TIET

Caul: ChonB
P43 +3x-1_ X430 43x+1-2 _(x+1) -2 i
@ +2r+1 (x+1) (x+1) (x+1)

F(x)=%+x+ﬁ+c.

f(x)

Cau2: Chon A

Ap dung cong thic Isin(ax+b) dx = —1cos(ax+b)+C ,tacd Isin3x dx = —%cos3x+C.
a

Cau3: ChonA

Taco f'(x)=2x+1 = If'(x)dx:f(2x+1)dx:x2+x+c

= 3C, eR: f(x) =x’+x+C, = f(2)- f(1)=2"+2+C,~(I*+1+C,) =4
Cau4: ChonC

1

(3x+2)"

Ta co: If(x)dx :I(\/3x+2)dx :I(3x+2)% dx = +C :§(3x+2)\/3x+2 +C.

1
1+1 3
2
Cau5: ChonB
Cau6: ChonC

, b 2 b
Ta co: F(x)=j(ax+—2jdx:%——+c.

2 ibtc=1 a=E
2 2

v F(_1)= _ 0= 1% e _3
Ti: F(-1)=1,F(1)=4,f(1)=0= S bre=de b=
a+b=0 7
c=—
4
2
7
Vay F(x)=3i+% .

Cau7: ChonC
Do ham s6 F(x) la mot nguyén ham cita f(x) =2019" (4—x")(x* -3x+2)
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= F'(x) =2019" (4-2*)(x* = 3x+2) = 2019 (x -2 (x+2)(1-x)
x=-2
F(x)=0<=|x=1 .
x=2
Do x=-2, x=1 langhiém boi 1, con x =2 1a nghiém boi 2 nén ham sé F(x) c6 hai diém cuc
tri.
Céu8: Chon A
Taco: f(x)=(x+1)(x+2)=x"+3x+2.

Khi do: If(x)dx :J.(x2+3x+2)dx=%3+§x2+2x+c.

Cau9: ChonC

Ta c6: j(3x+1)dx_—j(3x+1 )d(3x+1) = 1(3x2+1) C:%(3x+1)2+C.
Cau 10: ChonB
Taco F(x j _j - ln|x 1|+C =In(x-1)+C,.

Ma F(e+1)=4 :>1n(e+1—1)+c:=4 = C=3.Vay F(x)=In(x-1)+3.
Céu 1l: ChenB

Ta COF I—dx =Inlx-1+C —ln(x 1)+Cd0 xe(l +oo)

Ma F(e+1)=4 =1In(e)+C=4=C=3.Vay F(x)=In(x-1)+3.
Cau12: ChenD

Fax=] o

F(1)=2=C=2.Vay Vi x>Ethi F(x)zzln(Zx—1)+2.

— ——ln|2x 1|+C (CeR).

Do do, F(2)=%1n3+2.
Céu 13: ChonD

Ta co: If(x)dxzI[3x2+§jdx=x3+xz2+C.
Céu 14: ChonD

Ta co; If(x)dx:I£3x2+§jdx:x3+x£+C.

Cau 15: Chgon C

oY
ol

J.f(x)dx=fﬁdx=fx2dx:_1+C:_Ti+C.
2

Céu 16: Chon A
Taco f(x)=2sinx.cos2x =sin(—x)+sin3x =—sinx+sin3x.
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Céau 17:

Céu 18:

Cau 19:

Cau 20:

Céu 21:

Céu 22:

Céau 23:

Céau 24:

Céau 25;

Céau 26:

Cau 27:

Cau 28:

Cau 29:

= J.f(x)dx = I(—sinx+sin3x)dx = —J.sinxdx+Isin3xdx = cosx—%cos3x+C.
Chon A
2

If(x)dx = I(2x+sin2x)dx = 2%—%c052x+c =x’ —%c052x+c.

Chon D
Ta co: 'ff x)dx = I(2e2”+1)dx=ezx+x+C.Suyra f(x)=e*+x+C.

Theo bairatacd: f(0)=2=1+C=2< C=1.Vay: f(x)=e" +x+1.
Chon C

1 1 1 1
Icos2xdx =Esin2x+C’ = E.Zsinxcosx+C’ = 5.(1+251nxcosx)+C’—E

. . 1 .
=—.(sin” x +cos’ x +2sinxcosx) +C = E(smx+cosx)2 +C

Chon D
Taco If(x)dx:3x2—4x+C :>f(x)=6x—4 :>f(e"):6e"—4.

Vay jf(e")dx :I(éex—él)dx =6e" —4x+C.
Chon C

z. _.3 2 _ 3 2 _x_4 3 E 2
Ta co: f(x)—x +6x"+11x+6 :F(x)—j(x +6x +11x+6)dx— 1 +2x7 + > x°+6x+C.

Chon D

Taco f(x)=%sm2x+ﬁ F(x)=f[%sm2x+ﬁ x——icos2x+ln|x+1|+C

Chon D

I(x—sin2x)dx = Ix.dx—_[sian.dx = %2+%cos2x+C .

Chon C

[ £(x)x=fe [2017— 2018e jdx - (zomx - ZO?}X o070+ 045

x° x x
Chon C
Tacd F'(x)=3x"+cosx.
Chon C
Tacd F'(x)=3x"+cosx.
Chon D

j(sinx+1)dx=—cosx+x+C.
Chon C
Ta co: f(x)zF'(x)z(eZ")' =2e**
CpfR)AT L r2e 4l o\ et
Suy ra: dex j dx _j(2e +e)dx=2e"—e " +C.

e’
Chon A
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Tacd F I dx = 1n|x|+C—ln( )+C VoI Vxe(—oo;O).

Lai co P(—Z) =0 In2+C=0<C=-In2.Do db F(x) =ln(—x)—ln2 =ln[_?xj.

Vay F(x)= h{ > ) Vx € (-90;0).
Céau 30: ChonC
Vi_[f(x)dx :me"s*2 +nxe2x—pe2x +C nén(m€x3+2 +nxezx—pe2" +C) :f(X)

2 X342

2742 4 Dppxe® +(n-2p)e™ = 2x%

Suy ra 3mx’e +2xe* dong nhat 2 biéu thic ta dugc hé

2
3m=2 m—g
phuong trinh sau: {2n=2 < <n=1 .Suyra: m+n+p=%.
n-2p=0 1
F=7
Céu 3l: ChenD
Tacs 2%-13 _ A B _A(x-2)+B(x+1) (A+B)x+(-24+B)
(x+1)(x—2) x+1 x-2 (x+1)(x—2) (x+1)(x—2)
{A+B=2 {A=5
= = .
—2A+B=-13 B=-3
Khi do: jzx—l?’d ( 3 de 51n|x+1| 3ln|x 2|+C
x+1)( ) x+1 x-2

Suyraa=5b=-3nén a-b=38.
Céu 32: ChonC
-1

Taco f(x)= xx2 =§—x—12 nén F(x):ln|x|+§+C.

Céu 33: ChenC
Theo Iy thuyét ta co: [ f'(x)dx = f(x)+C.
Ta co: Jf’(x)dxzj(3x2+2x+m)dx =x’+x*+mx+C.
Khido f(x) cé dang: f(x)=x>+x>+mx+C,

f(2)=1 {23+22+2m+C1=1 {m:—:%
& = :

f(0)=-5 C,=-5 |C=-5
Vay hams6 f(x)=x*+x*-3x-5.

Céu 34: ChonB

Theo dé ta co: {

4x+11 A B A(x+3)+B(x+2) (A+B)x+(3A+2B)
P A5xt6 x+2 x43 (x+2)(x+3) - (x+2)(x+3)

A+B=4 A=3
= = .
3A+2B=11 B=1

Ta co:
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Khi do6: I 4x+11 J(—+— x=31n|x+2|+1n|x+3|+C.
x? +5x+6 x+2 x+3

Suyraa=3;b=1nén P=a"+ab+b*> =13.
Céu 35: ChenC

+C.

Tac()f ¢ —dx = d(e"+12): x_l
e"+1) (e"+1) e +1

Céu 36: ChenD
e - |F(0)=2
Céach 1: Xétdap an D, ta co: 2 )
F'(x):e"+2x:f(x)
Céach 2: Taco J.(e" +2x)dx:e"+x2+C.
F(x) 121 nguyén ham ctia ham s6 f(x)=e"+2x suy ra F(x) c6 dang e*+x°+C
Theo dé bai F(O)=§<:>e°+02+C=§<:>C=1. Vay F(x)=6x+x2+1.
2 2 2 2
Cau 37: ChonC

Taco f/(x)=-e"+2 nén f(x)=e™+2x-5 la mot nguyén ham ciia ham sé y =—e ™ +2.
Céu 38: Chon A
Ta co: =

x°—x

1 A B D A(-1)+Bx(x+1)+Dx(x-1)
—_— + p—
X

x-1 x+1 X —x

_(A+B+D)x*+(B-D)x-

5 =<B-D=0 <<B=
x°—x

~A=1

A=-1
) (A+B+D—O

1,1 1
x 2(x 1) 2(x+1)

Khi do: I—dx I[ ]dx=%ln‘(x—1)(x+1)‘—ln|x|+c.

Suy ra a:%;b:—l nén P=2a+b=0.
Céu 39: ChenD

, e 2

Taco [ f(x)dx=[2 dv=-"+C

2 cma P(o)zi
In2

F(x) 1a mot nguyén ham cua ham s6 f(x)=2",taco F(x)= —
n

X

:>C=0:>F(x)=1 >
n

T =F(0)+F(1)+...+ F(2018)+ F(2019)

1 22020 1 22020 _ 1

-1 (1+2+22+ +22°18+22°19)
In2" 2-1 In2

In2
Cau 40: Chon A
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Cau 41:

Céau 42:

Céau 43:

Céau 44:

Cau 45:

Taco If x)dx:J.e"dx:e’%C

F(x) la mot nguyén ham cua ham sé f(x)=e*,tacd F(x)=e*+C ma F(0)=2020
= C=2019 = F(x)=e¢"+2019.
T =F(0)+F(1)+..+ F(2018)+ F(2019) = 1+e+e” +...+¢™" +¢*" +2019.2020

2020
e —

++2019.2020.
e—1
Chon D

Taco F I cosdxdx = ismélx +C.

Tu F(§j=2 suyra C=2.

Ta dugc F(x)=isin4x+2. Suy ra J.F(x)dx:I(isin4x+2jdx:—C054x+2x+C.
Chon A

1 1 1 1
Taco: [5—dx= [ ————dx==[| — dx——1n|x 1|——1n|x+1|+C

x -1 (x—l)(x+1) 2 x-1 x+1
:>a=1; b:_—1:>a—b:1
2 2
Chon B
F'(x) = (2ax +b)e* +2(ax” + bx —c)e™ = | 2ax” +(2b+2a)x +b—2c |
2a=2018 7 =1009

2. 2 2x 2 2x 2021

Ta co: [Zax +(2b+2a)x+b—2¢:}e =(2018x" -3x+1)e™ = 12(a+b)=-3 < sz
4

Vay T = -3035
Chon D

Trén khoang (1;+w): _[f'(x)dx =J‘L1dx =In(x-1)+C, = f(x)=In(x-1)+C,.
x—
Ma f(2)=2018 = C, =2018.
Trén khoang (—oo;1) [ f'(x)dx =jildx =In(1-x)+C,= f(x)=In(1-x)+C,.
x—

Ma f(0)=2017 = C, =2017.
. In(x-1)+2018 khi x>1
Vay f(x) = . .
In(1-x)+2017 khi x<1
Chon A

Suy ra f(3)-f(-1)=1.

=Izcosx_1dx—2_[ cosxd j

Taco: If(x)d sin’ x sin® x sin® x dx
= j (smx)_J. ,12 dx=- _2 +cotx+C
sin® x sin” x sinx
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A A A . Ln £ 2 -1, . \ PR £
Do F(x) la mot nguyén ham cua ham s6 f(x)= COSY™ 2 {rén khoing (0;) nén ham so
sin® x

F(x) c6 cong thic dang F(x)=- _2

smx

+cotx+C V&I moi xe(O;ﬂ) .

Xétham s6 F(x)=- .2
s x

F'(x) _ f(x) _ 2cosx—1

sin® x

+cotx+C xéc dinh va lién tuc trén (0; ).

2cosx—1

2

Xét F'(x)=0< s

_0o cosx—~ o x=+Z i kr (kez).
2 3

Trén khoang (0;72') , phuong trinh F'(x) =0 ¢c6 mot nghiém x :%

Bang bién thién:

X

£ |

F(x)

maxF(x)zF(%jz—\/g+C. Theo dé bai ta cd, —\/§+C=\/§<:>C=2\/§.

(077)

Do do, F(x) =—

24 cotx+243 . Khi 6, F(ZJ =3/3-4.
sinx 6

Cau 46: ChonD

Do 4a—b#0nén F(x)=C VxeR. Vi luon c6 hai s6 a va bdé F(x)= ax+b(4a—b¢0) la
x+4
mot nguyén ham cua ham s6 f(x)nén f(x) khong phai Ia ham hang.
g ' 2f(x "(x
Tirgia thidt 2 (x) = (F(x) 1) (x) &> (f; ()_)1 - f} ((x))
Lay nguyén ham hai vé Vol vi phan dx ta  duoc:
IL(x)dxz_[deQZIn‘F(x)—l‘=ln‘f(x)‘+C v6i C 1a hang sb.
F(x)-1" 7 f(x)
2
2 a-1)x+b—4
21n‘F(x)—1‘+lneC =ln‘f(x)‘@‘f(x)‘zec.(F(x)—l) =ec.[%]
B 2
o (a—l)x+b—4
sl

a—l)x+b—4J2

)= _EC'[( x+4

4a-b
(x+4)2

(a-1)x+b—4
x+4

Truong hop 1. f(x):ec.[ J .Tacod F'(x)=f(x)= f(x)=
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Cau 47:

Céau 48:

Cau 49:

bong nhat hé so ta co:

ec.(b—4)2 =4-

a
) a=1
ec.((a—l)x+b—4) :4a—beeR<:>{ = [
4-b

. A . A , 4€C—1
Loai b=4 do dieukién 4a—b=0.Dodo (a;b)=|1; .

2
Truong hep 2. f(x):_ec,[wj ‘Tacd F'(x)= f(x)= f(x)= 461—172
x+4 x+4)
Ddng nhat hé sé ta co:
a=1
_ec.((a—l)x+b—4)2:4a—beeR<:> =1 ) S b=4
—eC.(b—-4) =4-b p o A+l
eC

Cc

Loai b =4 do diéu kién 4a—b=0. Do d6 (a b) L 4e° +1j
e

Chon D

T

4
Ta co jsinzxdxzp Zl-pl Z|=1-F| 2],
) 4 6 6

6

Ma |[sin2xdx = —%COSZx

NN'—.Ma

T
4 —1 cosz—cosZ :1.Dod(’)F z :1—l=§.
3 2 2 3 4 6 4 4
6

Chon A

!

Taco f(— ) = (xe") =e'+xe*, Vxe (—oo;+oo).
Do d6 f( ) ( x)ef(fx) Vx e (—00'+oo).
Suyra f(x)=e™(1-x), Vx e (—o;+m).

Nenf [e 1 x)] e"(x 2) '( )e =e"‘(x—2).e"=x—2.
Boi vay F(x)= j( 2)dx==(x- 2)

Tir do F(O)z%(0—2)2+C=C+2; F(0)=1=C=-1

I\)Ir—a

Vay F(x)=2(v-2) 1= F(-1)=>(-1-2) -1-

NN

Chon B
F(x) la mot nguyén ham cua ham sé f(x) = e* (x3 —4x) = F'(x)=f(x)= " (x3 —4x) :
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Céau 50:

Céau 51:

Cau 52:

Cau 53:

Céu 54:

x=0
F'(x)=0®ex2(x34x)=0<:>x34x=0<:>{x=2
x=2

2x+1=0e=x=——

x2+x=0<:>[x
F'(x2+x)=(2x+1).F'(x2+x); (2x+1).F'(x2+x)=0<:> x

_ 1 <:>lnf(x)=§\/3x+1+C.V‘lf(1)=1:>C+g=0<:>C=—%.

N
[N
@
>
+
|
[ES
Wl

:>Inf(x):§ +l-—< f(x)=e® = f(5)=e*~38. Vay 3< f(5)<4.

4

Taco f’(x)+ " :x2c>xf’(x)+f(x):x3@[xf(x)]’=X3:>xf(x)zjx3dx:xz+c,

f(l)z—l:Cz—Z.Khidé f(x)=x4;5:>f(§j L

Chon D

!

Tinh (F(x))’ = ((ax2 +bx+c)e”‘) = [—ax2 +(2a-b)x +b—c]e’x = (Zx2 —5x+2)e‘x .

a=- a=-2

Suyra{2a-b=-5<<{b=1 nén F(x):(—2x2+x—1)e"‘.
b—c=2 c=-1

Tinh F(0)=-1suyra f(F(0))=f(-1)="Ye.

Chon D

Nhan xét: Bai nay s& chat ché hon néu thém diéu kign F(x) 1a mot nguyén ham cua f(x) trén

R.Tugiathiéttaco F'(x)=f(x), vxeR

= (2x+a)ex +(x2 +ax+b)e" = (x2 +3x+4)e" , VxeR

<:>x2+(2+a)x+a+b=x2+3x+4, VxeR.

A X . X , 11+2:3
bong nhat hai vé ta co .SuyraS=a+b=4.
a+b=4

Chon C
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Céu 55:

Céau 56:

Cau 57:

Cau 58:

. 2x+1 2x+1 1 1
Tacs: F(x)= [ o=l o deI[F‘ Jd

2 (x+1) (x+1)
Suy ra: F(x):—%jtﬁﬁtc ma F(l):% nén c=1. Hay F(x)=—%+ﬁ+1.

Taco: S=F(1)+F(2)+F(3)+ .. +F(2019)

S= —1+1 1|+ —1+1+1 + —1+1+1 + .+ —L+L+1
1 2 2 3 3 4 2019 2020
1

S= —1+L+2019 1= 2018+L =2018——.
2020 2020 2020

ChonC

Taco: x(4—f'(x) = f(x)-1< f(x)+xf'(x) =4x+1 < (xf(x)) =4x+1
= xf(x) :I(xf(x))'dx :.[(4x+1)dx:2x2+x+c.

Vé6i x=1thi 1f(1)=3+C = 3=3+C=C=0.

Do d6 xf(x)=2x"+x.Vay 2f(2)=22+2 hay f(2)=5.

Chon A

1 f(x)>0,néntaco: f'(x)-2f(x)= @f’(x): = f’(x) X = X
Vi f(x)>0,néntaco: f'(x)-2f(x)=0 B 2 jf(x)d [2dx.

<:>EICeR:ln‘f(x)‘=2x+C :>1nf(x):2x+C.
Cho x=1 =Inf(1)=2+C <mn1=2+C <C=-2
Do d6: In f(x)=2x-2 < f(x)=¢"" = f(-1)=¢™.Do d(’):S=a+b+c=—%.
Chon A
3x-1
Taco: f(x)=[f(x) J' 5 dx _J'(B;—

Xét trén khoang (—2;+o) ta cé: f(O):1<:>—71n2+C:1:>C:1+71n2.

]dx 3x— 7ln|x+2|+C VerR\{ }
x+2

Do d6, f(x)=3x-7In|x+2/+1+7In2, véi moi x € (-2;+).

Suyra f(2)=7-7In4+7In2=7-7In2.

Xeét trén khoang (—w;-2) tacé: f(—4)=2<>-12-7In2+C=2=C=14+7In2.

Do d6, f(x)=3x-7In|x+2|+14+7In2, véi Moi x € (-0;-2). Suy ra f(-3)=5+7In2.
Vay f(2)+ f(-3)=7+7In2+5-7In2=12.

Chon C

Vi F(x) la nguyén ham cia ham sé f(x) == ;fsx nén suy ra: F'(x) = f(x) = *—o%
AT X—COSX x—cosx =0

Taco: F'(x)=0 @T_ ©{x6[—1;1]\{0} (1)
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Cau 59:

Céau 60:;

Cau 61;

Xét ham s g(x)=x—cosx trén [—1;1] ,taco: ¢'(x)=1+sinx>0,Vxe [—1;1] . Suy ra ham s
g(x) dong bién trén [-1;1]. Vay phuong trinh g(x)=x—cosx =0 ¢4 nhiéu nhat mot nghi¢m
trén [-1;1] (2).

Mit khac ta c6: ham sé g(x)=x—cosx lién tuc trén (0;1) va g(O)zO—cos(0)=—1<O,
g(1)=1-cos(1)>0nén g(0).g(1)<0.Suy ra 3x, «(0;1) sao cho g(x,)=0 (3).

T (1), (2), (3) suy ra: phuong trinh F'(x) =0 c6 nghiém duy nhat x, #0. DPong thoi vi x, la
nghiém boi lé nén F'(x) doi qua x = x, .

Vay d6 thi ham s y = F(x) ¢6 1 diém cyc tri.

Chon D

Tacé F/(x)zf(x)zcosx+%x2—1.

fl(x)=-sinx+x; f"’(x)=—-cosx+1>0 VxeR.

Suy raham sé f/(x) dong bién trén R, tir &6 dan dén phuong trinh f/(x) =0 c¢6 nhiéu nhat mot
nghiém.

Mat khac f/(0)=0 suy ra x =0 la nghiém duy nhét ctia phuong trinh f’(x)=0.

Do ham s6 f/(x) lién tuc trén mdi khoang (—;0);(0;+%) va vo nghiém trén mdi khoang nay
nén dau caa f/(x) khong doi trén mdi khoang trén.

Ma f/(-1)<0; f/(1)>0 suy ra f'(x)<0 Vxe(—0;0) va f'(x)>0 Vx e (0;+x).

Vay ham s6 f(x) nghich bién trén khoang (—;0) va dong bién trén khoang (0;+). Ma
£(0)=0 nén phuong trinh f(x) =0 cd nghiém duy nhat x =0 hay phuong trinh F/(x)=0 c6
nghiém duy nhat x =0.

Viy d6 thj cua ham s6 y = F(x) c6 duy nhat mot diém cuyc tri.

Chon B

Taco (f(x).f'(x)) =(F'(x)) +F(x)-f"(x)=15x* + 122, Vx e R.
= f(x).f'(x)=3x"+6x> +C,Vx e R.

(
(0)=f'(0)=1nén C=1dodo f(x).f'(x)=3x"+6x"+1,VxeR.
( f(x))Z)’ —2f(x).f(x) =657 +1247 42, ¥x e R = (f(x)) =¥ +4x° +2x+C,, Vx e R.

Ma £(0)=1nen C,=1.Vay(f(1)) =1°+41 +2.1+1=8.

Chon B
Céch 1: Giai bang phwong phap tu luan
Ta xéc dinh biéu thirc ciaham s6 y = f'(x) . Tirhinh vé ta thy trén [-3,2] d6 thi gom 3 nhanh:

Nhanh parabol y=a,x*+bx+c, xdc dinh trén [-3,-1] di qua 3 diém (-3,0), (-2,1) va

(-1,0).

Nhanh duong thang y =a,x+b, xac dinh trén [-1,0]di qua 2 diem (-1,0) va (0,2).
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Nhanh duong thang y = a,x+b, xac dinh trén [0,2] di qua 2 diém (0,2) va (2,0).
Tur day, giai cac hé phuong trinh tuong (g ta suy ra biéu thirc cia f'(x) la:
—x*—4x-3 khi -3<x<-1
f'(x)=12x+2 khi -1<x<0 .
—X+2 khi 0<x<2
f (x) 1a mot nguyén ham ciia f'(x), do d6 biéu thuc caa f (x) c6 dang:
3

—%—2x2—3x+Cl khi -3<x<-1

f(x)=4x"+2x+C, khi -1<x<0 .
2

—X?+2x+C3 khi 0<x<2

3
Vi f(-3)=0 néntaco: —%—2(—3)2—3(—3)+C1:0<:>C1:0.

Do f liéntuctai x=-1 néntacé: lim f(x)= lim f(x),suy ra:

x—>—1" x—>-1"

3
—%—2(—1)2—3(—1):(—1)2+2(—1)+C2@CZ:%.
Tuong tu, f lién tuc tai x =0 nén ta co:

2
02+2.0+Z=—0—+2.O+C3<:>C3=Z.
3 2 3

Vay: T (1)« (1) :[(-1)2 +z(-1)+ﬂ {—%+2.1+Z} 3

3| 6
Céch 2: Giai nhanh bang phwong phap danh gia dién tich trén dé thi
Dién tich hinh phang gi¢i han bai mot parabol va mot duong thang co phuong song song véi

= 2
truc Ox duoc cho bai cong thac: S = gday.cao

f

[ 1 Ty \ ;

Ap dung cbng thic ndy ta giai nhanh bai toan nay nhu sau:
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Céau 62:

Cau 63:

Iy

Nhanh parabol y = ax? +bx+c¢ qua 3 diém (-3,0), (-2,1) va (~1,0) nén ta tinh ra dugc hé s
a=1.
Taco: f(=1)+f(1)=[ f(-1)—f(-3)]+[ f(1)-f(-3)]=S,+(S,+5,+S,).

_E 4 g1l 21 _3 (- _3
Véi: 81—32.1_3, 82_21.2_1, S3_2(l+2).1_2.8uy ra: f(-1)+f(1)= 5

Chon C

Taco: f'(x)=(2x+1).f*(x)= JJ:;(();)) =2x+1 (do f(x)#0)

Lay nguyén ham 2 vé ta duoc:

f 1 -1
I I 2x+1)dx<:>—m:x2+x+C<:>f(x):x2+x+c
Ma f(1):—o 52C=0,dodo f(x)=——=——1
' ’ +x x+1 «x
Nén
1 1 1 1 1 1 2017
£(2017)+ £(2016)+...+ f(1) = 018 2017 300~ 2016 +”’+E_1 = M_l =018
Suy ra a=-2017; b=2018 nén b—a =4035.
Chon A
2 2
” fx " ' fx
Taco: f(x [ ( )] (%) <:>f (x)f(x)‘[f (x)]z:_ [ ( )] 3
\l(2 (2x+1)
1
<:>

() E)-[FET 1 @(f'(x)}'
[f(x)] \/(2x+1) f(x) \/(2x+1)3
QM: 1 . f'(x): ( )*é f’(x): 1
f(*) (2x+1)’ f(x) f(x)  2x+1
Thay x =0 ta dugc: C, =0.

e L R .
f(x) V2x+1 \/2x_+

Thay x =0 ta dugcC, = —1.:>1n[ (x)]=v2x+1-1
Thay x =4 ta dugc In| f(4)|=2= f(4)=¢

e In| f(x)]=v2r+1+C,
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m Cac phuong phap tinh tich phan co ban

Cau 1;

Cau 2:

Cau 3:

Céu 4:

Céau b5:

Cau 6:

Cau7;

Cau 8:

Cau 9:

1
Cho 7 12 s6 nguyén duong khac 0, hay tinh tich phan I = j (1—x2) xdx theo 7.
0

1 . B.Izi. C.I= 1 . D. I= 1 .
2n+2 2n 2n-1 2n+1

2017

1
Choham f(x) thoaman [ f(x)dx=1.Tinhtich phan I = f(2017x)dx.
0 0

A l=

A.I:L. B. I=0. C. 1=2017. D.I=1.

2017
Cho ham s6 y = f(x) xac dinh va lién tyc trén R thoa man f(x3 +3x) =x+1,VxeR. Tich

4
phan If(x)dx bang:
0

A.é B. 88. C. 25. D.Z.
4 4
1
I X+2 dx:aln\/ﬁ+blnx/§,vdi a, b 13 cac sb nguyén, khi d6 a° +b°bang
X +4x+7
A. 9. B. 0. C.9. D.7.
Cho tich phén 114/1_—xdx:57r—ﬂ, véi a,b,n,meN", cac phan $b E,ﬂ ti gian. Tinh
OV1+x b n b n
a’+m".
A. 3. B. 5. C.8. D. 2.
3
Cho I = 4—bh12-+chqd VGi a,b,c,d 1a cac sd nguyén va 23 phan sb toi
'[4+2\/x+ d
gian. Gia tri cia a+b+c+d bang
A. 16. B. 4. C. 28. D. 2.
1. a ¢ ac z. . .
Cho I = 4dx =-In—+— v6i a,b,c,d 13 cac sb nguyén duong va —,— t6i gian. Gia
Sx+xvx+1 2 b d b'd
tri cia abc—d bang
A. 6. B. 18. C.0. D. -3.
1
cho [Y3* 4y~ a4 bIn5+cIn3 voi a,b,c 1a céc s hau ty. Gid trj cua biéu thic a+b+c
x_
0
bang:
A. 6. B. -4. C. 14. D.-2.
Cho —dx aln3+bxr V6i a, b 1a cac sé thuc. Gia tri ciia a® +3b” bang
x +2x+4
A L. B. L. c.>. D. 2.
27 2 18 144
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Cau 10:

Cau 11;:

Cau 12:

Cau 13:

Céu 14:

Céau 15:

Cau 16:

Cau 17:

Cau 18:

3
Biét J.xln(x2 +16)dx = aln5+bln2+%, trong 6 a,b, ¢ 1a cac sé nguyén. Tinh gié tri cua biéu
0

thicc T=a+b+c

A T=-2. B. T=16. C.T=2. D. T=-16.
Cho ham s6 f(x) lien tuc va a>0 . Gid si voi moi xe[0;a] ta c6 f(x)>0 va
] ¢ dx
flx).fla=—x)=1.Tinh [ = | ——.
(2o e
AT=2Z. B.1=2. C.1=2a. D. I=aln(a+1).
3 2

1
Cho I=J.xln(2+x2)dx:aln3+b1n2+c voi a, b, c 1a cac sb hiru ty. Gia tri cua a+b+c
0

bang
A2 B. 1. C.0. D.2.
2
¢ 2lnx+1 a c . sz n g A C s . Al X
Cho | ————dx=In—--- Véi a, b, c la cac so nguyén duong, bict —;— la cac phan so
1x(lnx+2) b d b d
t6i gian. Tinh giatri a+b+c+d?
A. 18. B. 15. C.16. D. 17.
1
Biét rang jLzaln2+bln3+cln5,véi a, b, clacac sé hiru ti. Gia tri cua
Sx+5Vx+3+9
a+b+cbang
A. -10. B. 10. C.5. D. 5.

A I G | 1 ar a
Cho tich phan I = J' (1——2} 14—x*——.dx=—"—+cyJ3+d, trong d6 (a,b,c,dcZ, — la
A X X b b

phan s téi gian). Tinh tdng S=a+b+c+d.

A. §=3. B.5=7. C.5=2. D. S=11.

Gia st tich phan j(xfl)z dx=a+bIn3+cIn2 trong d6 a, b, ¢ 1a cac s6 hiru ti. Tinh tong
S=a>+b>+c°.

A.% B.% C.%. D.é.

1
Cho J. * gr=1mn é+\/ﬁ , VGi a, b, ¢, d 1acécsd nguyén duong va b i gian. Giatri cua
1 x+1 a \c c

2

a+b+c+d bang
A. 12. B. 10. C. 18. D. 15.

2
Cho ham sé y = f(x) lién tyc va c6 dao ham trén R théa man f(2)=-2. If(x)dx =1. Tinh
0
3
tich phan I = .[f’(\/x+1)dx.
a
A I=-5. B. I=0. C. I=-18. D. I=-10.
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Céu 19:

Céu 20:

Cau 21:

Céu 22:

Céu 23:

Céau 24:

Cau 25:

Cau 26:

1
Cho ham s6 f(x) lién tuc trén R thoa man f(2x)=3f(x), VxeR. Biét ring jf(x)dle.
0

2
Tinh tich phan I:If(x)dx.
1
A I=5. B.I=6. C.1=3. D.I=2.

1
Cho ham sb y = f(x) lién tuc trén [0; 1] va thda man jx.f(x)dx =2019. Gia tri cua tich phan
0

sin 2x.f(cosx)dx la

Sl b

A. 2019. B. 4038 . C. -2019. D. —4038.

Cho ham s6 f(x) lién tyc trén R thoa man f(mx)=nf(x)+p, VxeR (m=0). Biét rang
1 m

J.f(x)dx =q (q#0). Tinh tich phan I = If(x)dx .

0 1

A. nmgq . B. nmg+mp—q. C.mp—q. D. -nmp-nq .

Cho ham s6 f(x) lién tyc trén R théa mdn f(2x)=5f(x)+x , VxeR . Biét rang
1 2

[ f(x)dx =2. Tinh tich phan I = [ f(x)dx.

0 1

A I=11. B. I1=15. C.I1=19. D.I1=14.

1

Cho ham s6 f(x) lién tuc trén [0;1] va thoa mén j'f(x)dle, f(2x)dx =13 Tinh tich
0

O | = e N | =

phén Izjl.xzf(x:‘)dx.
A.I=6.0 B. I=8. C.I1=7. D. I1=9.

1
Cho ham s6 f(x) lién tyc trén R thoa mdn f(3x)=f(x)-2x, VxeR va jf(x)dx=5. Gia
0

3
tri [ f(x)dx bing
1

A 4. B. 10. C.7. D. 12.
2x-2 khi x <1

2
Cho ham s f(x)z Inx . Biét tich phéan jf(x)dx=a+%ln22 trong do
o 0

khi x >1
x
a,beZ. Tinh gidtri S=a+0.
A. S5=3. B. S=5. C.5=-3. D. S=1.

2x-2 khi x <1

2
Cho ham s f(x): Inx . Biét tich phén J.f(x)dxza+%ln22 trong do
T 0

khi x>1
X
a,beZ. Tinh gidtri S=a+b.
A. S=3. B. S=5. C.S5=-3. D. S=1.
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Cau 27:

Céu 28:

Céu 29:

Céu 30:

Cau 31:

Cau 32:

Céau 33:

Céau 34:

In2

Cho ham sé f(x) lién tyc trén R . Biét jf(e +1)dx =5 va I%dx:& Tinh
X

I= Ifx)

g >

L I=2. B.I1=4. C.I1==2 D. [=8.
3-2.2-3]Cho ham sé f(x) lién tuc trén R thoa man f(2x) 4f(x)-x, VxeR. Biét rang

If(x)dx =1. Tinh tich phan I = jf(x)dx .

A. 1=9. B.1=6. C.I1=5. D. [=8.
Cho ham s6 f(x) xac dinh va lién tuc trén R. Goi g(x) la mot nguyén ham cua ham sé

X D2 L z . ; 2 P .
= . Biétra =1va 2¢(2)-g(1)=2. Tich ph ba
y ) iét rang .!.g(x)dx va 2g(2)-g(1) ich phan J'mdx ang
A 1,5. B. 1. C.3. D. 2.

Cho ham sé y = f(x) véi £(0)=f(1)=1. Biét ring iex[f(x)+f'(x)]dx:ae+b, a,beR.

Gia tri cua biéu thic 4 +b™" bang

A 270 41, B. 2. C.0. D. 2% -1,
Cho ham s y=f X co dao ham lién tuc trén doan [0;1] va thoa man f(0)=0 Biét

J'f dx—— va If cos;dx—% Tich phan j x)dx bing

A D. —.

T

3y |o

B 2. c. 4 L
T T
1
Cho ham s6 f(x) c6 dao ham lién tyc trén doan [0;1] thoa man f(1)=4, j[f’(x)}2 dx =36
0

va

e

1
x.f(x)dx = . Tich phan | (x)dx bing
0

A.

Ul ©

B. 3. C. 4. D.
>

WM

6. Cho ham s6 £(x) co dao ham lién tyc trén doan [ 0;3] thoa man £(3) =

[f/(x)] dx=2

(=R

3

va J.x2.f(x)dx 154 Tich phan jf x)dx béng

INE B. 17 c. 13 p. 2.
5 20 5 5

7.Cho ham sé f(x) co dao ham lién tyc trén doan [0;1] thoaman f(1)=2, [[ f(x)] dx=8
0
1

1
va _[x3.f(x)dx=10 . Tich phéan J'f(x)dx bang
0 0
2 B. 4 c. 116 D, 284
285 95 57 285
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Cau 35: Cho F(x)=2—12 la mot nguyén ham caa ham sb ™) gig f(e)=2—12, tinh tich phan
X X e

e

I= J‘(f'(x)lner edex .

1 X

A.I:e—l. B.I=e+l. C.l=e. D.I:l—e.
2 2 2
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BANG DAP AN
1.A 2.A 3.A 4.B 5.D 6.B 7.A 8.D 9.C 10.D
11.B 12.C 13.C 14.A 15.A 16.B 17.B 18.D 19.A 20.B
21.B 22.C 23.D 24.C 25.D 26.D 27.B 28.B 29.B 30.C
31.A 32.B 33.B 34.C 35.A
HUONG DAN GIAI CHI TIET
Caul: ChonA
Véi ne N, khi do: Pit t =1-x* = dt = 2xdx = xdx =—%dt
Pdican: x=0>t=Lx=1—->t=0
0 1 n+l |1
Khidél:—ljt"dtzljt"dtzl.t _ 1
27 21 2 n+l1lo 2n+2
Céch 2: Taco d(l—xz) =—2xdx—>—1d(1—x2)=xdx
2
n+l
1 . 1 . 1 (1-2°) P a1
I:z[(l—xz) xdx:—E!(l—xz) d(l—xZ):—E. ] 0:2n+2
Cau2: ChonA
bat + =2017x = dt =2017dx :>dx=Ldt
2017
Poican: x=0=1t=0 ; x=1=+t=2017
2017 1 1 2017 1
Vay [ = t). dt = t)dt = ——.
v !f()zow 2017£f() 2017
Cau3: Chon A
Dit x =+ +3t . Khi dé: dx=(3t2+3)dt.
Véi x=0=t=0; x=4=1t=1.
4 1 1 25
Vay: x)dx=|f(t?+3t)(3t* +3)dt = | (t+1)(3t* + 3t = =—.
iy [f ()= [ (£ 30)(317 +3)de = [(1+1)(30° 43 )it =
Cau4: ChonB
bat t=x2+4x+7:>dt=(2x+4)dx :>(x+2)dx=%dt.
Déican: x=0=t=7; x=1=t=12.
Pox+2 %1 1 1 1 _
!mdx :lz—tdt :Eln|t|‘;zziln12—§ln7zln\/ﬁ—lnﬁ:>a=1, b=-1.
Vay a’ +b> =0,
Cau5: ChonD

bat x =cos2t. Tacd dx =-2sin2t dt,O=cos£2.%j va 1=cos0.

. 1—cos2t 1-1+2sin’t
Taco = =
14+cos2t 1+2cos’t—1

an’f.
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Vay r Etp J.,S Vtan®t (2sin2t) dt
ON1+x Y

= 2j§|tant| sin2t dt = 4'[0%5,in2 tdt= 2[5(1 —cos2t) dt = ijdt —zjfcos 2t dt

- 2t|§ —sin2t|§ - %-1

tdi gidnnéntasuyraa=1b=2,m=1n=1.

4

a 1m 1 . , A X
—=—,—==. Vicac phan so0
n

S

ISl IR

Dodé a"+m" =1>+1'=2.
Cau6: ChonB
Pit t=Jx+1=x=1t"-1=dx=2tdt
Poican: x=0—>t=1, x=3—>t=2
2

6 =§—121n2+61n3.

2
I= jt 2tdt_j[t —2t+3——jdt—{——t +3t— 6ln|t+2|]
2 3
1

4+2 t+

Suyraa=7,b=-12,c=6,d=3.Dod6 a+b+c+d=4.
Cau7: ChonA

Pit t=x+1 =t = x+1= 2tdt = dx.

Khi x=3=t=2;Khi x=8=1t=3.

3 3

.2tdt—j( ) ) ! YRS

Khi do I=

N Sy GO

1
t2—1+(t2—1)t
(

j.(t+1)+(t1)ti[ (t+1) | ) Jdt
2 (t-1)(t+1) | (¢-1)(tw1) (e-1)(b+1)

e e
2 (F-1)(t+1) (Hl)z 2 2 (£=1)(t+1) (t+1)2

- 1( 1 _1 ]+ 1 z}t_[1(1n|t1|1n|t+1|)i}
o 2\t-1 t+1 (t+1) 2 t+1

3

2

=a=3,b=2,c=1,d=12.

Vay abc-d=3.21-12=-6.
Céu8: ChonD
Pat t =+/3x+1.Taco +* =3x+1:>2tdt=3dx:>dx=%dt.

t2—1_5_t2—16
3

Tacd x—5=
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Cau 9:

Céu 10:

Khi x=0 thi t=1, x=1 thi t =2 nénta co:

1 2 2 2 2
j“3x+1d = [ ! -Edt=2jzt—dt:2f 142 2
) =5 ' 16 3 P16 T4 t+4

3

:[2(t+21n|t—4|—21n|t+4|)}2 =(4+4In2-4In6)—-(2+4In3-4In5).
1

=2+4In2-4In3+4In5-41In6 = 2+41n2—41n3+41n5—41n(2.3) .

=244In2-4In3+4In5-4In2-4In3=2+4In5-81In3.
Suyra a+b+c=2+4-8=-2.

ChonC
o x+1 1 tox+l h
Ta co: —dx—j 5 - x=_[24dx—_|.24dx
0 X +2x+4 x°+2x+4 x"+2x+4 0 X +2x+4 0 X +2x+4

2
= 1(lr112—1n4) = 1ln3.
2 2

0

Tinh I, —J'x—ﬂdx -

1ln(x2 +2x+4)
x“+2x+4 2

2 2
Tinh I, = -
'(|).x2+2x+4 E!(x+1
bat x+1=\/§tanu:>dx= \/5 du.D(;)icétn:x=0:>u=z VAax=2=u=2.
cos” u 6 3
3 3
Suyral,=| \f?; — 1 duzijdu=i(£_szi
7 Cos” U 3(1+tan2u) 3% Bl3 6) 63
6 6
1 1Y’ 1Y 5
Vay —dx I -1, :—In3—— Suyraa®+3b° =| = | +3.| —= | =—.
2 X2+ 2x +4 6\3 2 6/3) 18
Chon D

bit t =x*+16 = dt = 2xdx :xdxz%.Béicén: x=0=>t=16;x=3=1t=25.

1

3 25 =1 t —
I:jxln(x2+16)dlejlntdt.Dét w=m =N du tdt.
0 25 do =dt _
v=t
25 25 25
=1j1ntdt=1(t1nt) —1jdt=251n5—321n2—2.
216 2 16 2 6 2
Vay T=a+b+c =25-32-9 =-16.
Cach 2.
2x
du = dx
bit {uzln(xzﬁLM):> ¥ +16
B 2
do = xdx U:x_+8_x +16
2 2
: x*+16 3 9
I= _[xln(x +16)d In (x2+16) —dex=251n5—321n2—§
0 O 0
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Vay T=a+b+c =25-32-9 =-16.
Céau l1ll: ChonB

Tirgia thiét: f(x)>0 va f(x).f(a-x)=1,tasuyra: f(a—x)=

flx)

bat x=a-t=dx=-dt;Véi x=0=t=a,x=0a=1t=0.

% ode % —dr fodr g f(H)de g f(x)de
Khldo.[_-([1+fx _-[1+f(a—t)_£ 1 _£1+f(t) _~([1+f(x)'

f(t)
fode tf(x)de _a(ief())dy v
Suyra2I—.(|;1+f x)+-([1+f(x) .([ 1+f(x) —gdx—a.VayI_E.

Cau 12: Chon C

_ 2 du = dx
Pt u—ln(2+x) - 22+x2
dov = xdx X
v=—
2
tx? o 2x
Khi d6, I len(2+x2)d = —1n(2+x) —=. x
0 2 2+x
2 ! x3
=| =—In(2+x%)| - dx (1
)] fge o
1 3 1 1 1
Xét 11:I al 2dx=j x— 22x dx:jxdx—f 22x dx
0 2+x 0 x°+2 0 0 X°+2
2" 1d(x®+2 2|! 1
=X _J~¥:x_ —ln(x2+2) =1—ln3+ln2.
2|, 0 x+2 2], o 2
3
a=—=
1, .1 3 1 2
Thay vao (1), suy ra I=51n3—5+1n3—1n2 =§ln3—ln2—E.Va§y b=-1 =a+b+c=0
1
c=——
2
Cau 13: ChonC
Déttzlnx:dtzg.Déicén:x=1:>t=0;x=e:>t=1.Khid('):
x
e 1 1 1
L S P R T | dt:(i+21n|t+2|j “In2-1.
1x(Inx+2) 0 (t+2) o (t+2)° t+2 t+2 o %2

Vay a+b+c+d=9+4+1+2=16.
Céu 14: Chon A
Pt t=+/x+3.Tacd 2 =x+3 = 2tdt =dx.
boican: x=—2=t=1, x=1=t=2.
1 2 2 2
Khi do I=I dx 2tdt _J- i 2t J- 2t ;
" t +5t+6 L (t+2)(t+3)

L x+5Jx+3+9 _'!tz—3+5t+9 -
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=-20In2+4In3+6In>5.

t+2 t+3
Dodé a=-20,b=4,c=6.Vay a+b+c=-20+4+6=-10.
Céu 15: Chon A

T 1 B 1Y
Taco: = [ [1-=| -2 - L dx= [ [1-= | 16— x+=]| dx
12 X X 142 X X

bat x+1=4sint:> 1—% dx =4costdt, t e _Z z
x X 2°2

I= j(——+— t=(—4ln|t+2|+6ln|t+3|)j

bdi can: Vi x=1+\/§:>t=%;vdi x:JLJE:t:%.

4cost[16—(4sint)'dt =16
Voo

Mal= | (1—%} /14—x2—i2.dx:”'—”+c 3+d=a=2,b=3,c=2,d=-4
™ x x b

Vay S=a+b+c+d=3.
Cau 16: ChonB

I= cos’ tdt =8 (1+c052t)dt = (8x+4s1n2t)

g=—+2\/_ 4
4

»MN‘—.C»\N
BN —w |y
AN — |y

2 2 2

Tacoj x=]| X+12 x| cdx=| dr-[ _dx
(x+1)° 1 (x+1) 1 (x+1) 1 (x+1) L (x+1)
2
:1n|x+1| +L :_1+ln3—ln2.8uyra a:—l; b=1:c=-1.
x+1|1 6 6
2
Vay S=a* +b’> +c* = 1 +12+(—1)2:@.
6 36

Céu 17: ChonB
Cach 1: Taco

1 1 2

Iz_H 3x dxzjx—dx.Dét t=Vx’+1 = =x"+1 = 2tdt =3x°dx
IV +1 120 (x° +1)
2 2

—tdt

WNEo1
G, 2d

Dt y=t+1+t-1 :dy:—dt 2y df

2 v Pl
J \/3 22 _ 22 e
5

dt

F

Na
;x=1:>t=ﬁ.1<hidc51=j
3

BN
y

;. 1
baoi canx:§:>t:

3
22

()J|N
s\w'qﬁ

Pdican t =

3
22! JI 22 o

=2 =y =2 -1+JV2+1= ‘/5 - N2 a2
W2-1 JW2-1

_4 n 2\/54—2 —lln(zﬁ+2) =%1H(§+\/5)

Ne 737 4 3 8
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Cau 18:

Céu 19:

Céu 20:

Cau 21:

Dod6 a+b+c+d=10
1 1 2

Céach 2: Tact ||~ —dx = [-——dx
TV +1 1Jx3(x3+1)
2 2

Pat t = x> = dt = 3x’dx. Ddi can x=%:>t=%;x=1:>t:1.

—t=
| 1
2 4

Vay a+b+c+d=3+3+2+2=10.
Chon D

Pit t=vJx+1 = t* =x+1 = 2tdt = xdx.

Doi can: x=-1=t=0:x=3=t=2.

2

Khi — do: 1:}f’(@)dx=jzt.f'(t =2t f(t \—2jf )dt =4f(2)-2[ f(x)dx

0
~-8-2=-10.
Chon A

Tacs: 3=31=3 f(x)dx= [3(x)ax = [ F(2v)ax= L[ r(2x)a(2x) v k.
bit 2x=t=d(2x)=dt,v6i x=0=1=0; x=1=1=2,
3= [ F(20)d(2x) = [ £(1)dt =2 [ F(x)dx, vx =R

= jf(x)dx=6,‘v’xeR <:>_i‘f(x)dx+j‘f(x)dx=6,VxeR.c>1+jf(x)dx=6,VxeR.

0
2
<:>J.f(x)dx=5,VxeR.
1
Chon B

bat t=cosx:>dt:—sinxdx.Déicén: x=0=>t=1; x=§:t=0.

1

Ta co: sin2x.f(cosx)d 2sin x.cosx. f(cosx dx = —_[Zt f ZIt.f(t)dt

O [y
o'—.w\h\

= 2jx.f(x)dx =4038.

Chon B
1 1 1 _ 1 1
Ta co: n:E.q =E.J.f(x)dx =J.Ef(x)dx :If(mx) de zjf(mx)dx—jﬁdx,VxeR
q q% 04 0 q o 4 04q
:ij‘ ( ( ——xl =ij‘f(mx)d(mx)—ﬁ,‘v’xeR
wk q 10 mqq q
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1
@If(mx)d(mx) :(n+E].mq,VxeR.
0 q
bat mx=t:>d(mx)=dt,vdi x=0=t=0; x=1=>t=m

fm)aom) <+ o e

= Tf(t)dt :Tf(x)dx =£n+§].mq,Vx eR @jf(x)dx+Tf(x)dx=(n+§j.mq,VxeR :

<:>q+ljﬂ‘f(x)dx=(n+zj.mq,wc eR.< Tf(x)dx ={n+£}.mq—q =nmq+mp—q,VxeR
1 q 1 q

@Tf(x)dx:nmq+mp—q,VxeR.
Cau22: ChonC
Ta o6 f(2x)=5(x)+x = [ F(2x)dx j[5f( Jorx]dx = 5[ £ (x)dx + [xx

2|t 0 1 2 2
=52+ =20 Mitkhac [ £(2x)dx = [ £(2¢)d(25) = [ F(t)de = [ (x)dx.

0 0 0 0

jf(x)dxz%:jf(x)dx:2l.

Do d6: [ f(x)dx = f(x)dx—[ f(x)dx =21-2=19.

1 0 0

Céu 23: ChenD

Xét f(Zx)dx:13,détu=2x:>du=2dx:>1du=dx.
1 2
6

Doi can: x:1:>u:1; x:1:>u:1.
6 3 2

Tacod 13 =

O\\H'—.I\)\»—l
NI»—\

1

=— [ f(u du:jf )du =26.

o
1

Xét Izj.xzf(x3)dx,daflt t=x° :dt=3x2dx:%dt=x2dx.
0

Poican: x=0=t=0; x=1=1t=1. Vay ta co:

I=[x*f(x)dx :%J'f(t)dt:%jf(t)dﬂéj.f(t)dt %T t)dt+— jf
=1.1+1.26=9.
373

Céu24: ChonC
Céch 1: Ta co: f(3x) = f(x)—Zx = jf(Sx)dx = j.[f(x)—Zx]dx

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 12
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= If(Sx)dx = If(x)dx—IZxdx = jf(3x)dx = 5—x2‘(1) = If(3x)dx =4

Mt khdc [ £(3x)d = [ £(3x)d(3x) = [ £(t)de = [ F(x)ek
Tir va suy rajf(x)dx = Sj'f(3x)dx =34=12.

Do d6 jf(x)dx = if(x)dx—jf(x)dx =12-5=7.

0

. . 1
Cach 2: Ta co!f(3x)dx=§£f(3x)d(3x) 3j dt_—jf
Khi d6 if(x)dxzsjf(e,x)dx <:>j'f(x)dx+jf dx = 3j[f —~2x |dx
= Tf(x)dx = 2_1[f(x)dx—3_1[2xdx & Tf(x)dx =25-3¢| =10-3=7.

Céu 25: Chon D

2
Taco [ f(x)dx= j(zx 2dx+j1“x MY Y SO
0 0 2 . 2
>0=-1b=2=5-a+b=-1+2=1.
Céu 26: Chon D
2 lnx In2 x| 1, ,
Taco [ f(x)dx= j(zx 2) dx+j x=-1+ =-1+_n’2
0 0 1
>a=-1b=2=5-a+b=-1+2=1.
Céu 27: ChonB
Pt f e +1= df = e'dy = dx = 9L . Pdican x=0=t=2x=In2=t=3.
In2 3 3
Do do J-f(e +1) J dt:5:>.|.®dx:5.

2 X—=

TaCOIsz deX21 f(x), I{f()f)}de

X 2

~—

3fx
Suy ra 21—
Y 'Q[x—l

dx=3=2I=8<1=4.

Céau 28: ChonB
1 1 1 1
Tacs K= [ f(2x)dx = [[4f (x)—xJx =4[ f(x)dx— [adr =42 =7
0 0 0 0
Pit t = 2x = dt =2dx. Pdican x=0=t=0x=1=t=2,

K= %If(t)dt = j;f(t)dt =7 = j;f(x)dx =7.

If(x)dx:.:[f(x)dx+jf(x)dx = I:j[f(x)dx :jf(x)dx—jf(x)dx —7-1=6.
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Cau 29:

Céau 30:

Cau 31:

Cau 32:

Chon B
Vi g(x) la mot nguyén ham cua ham s y = ———— nén ¢'(x)= —— .
x+f7(x) x+f*(x)
it 1% | r PR Lt du =dx
-[—X 4 = | xg’ . D3 = .
M PO PR )i Jo=s()
2
Khi d6 1 =xg(x)|” - [g(x)dx =25(2)~5(1) -1=1.
1
Chon C
Cach 1:

Tacs j;e"[ F(x)+ £ (x)]dx :j;[e" F(x)] de=[erf(x)][ =ef(1)- £(0)=e-1.

1
Theo dé bai J‘ex[f(x)+f'(xﬂdx=ae+b, a,beR SUyraa=1,b=-1.
0

Do d6 a™ +b™° =1 (-1 = 0.
Cach 2:

1

Taco j)-ex [f(x)+f’(x)]dx:J'e"f(x)dx+:[exf'(x)dx

0

Pat u = f(x), dv=e'dx;tacé du= f'(x)dx, v=¢".

Khi do, Ief Jdx=[e*f(x) ]} jef dx<:>jef dx+j;e"f'(x)dx:[e"f(x)]‘é
:iex[f(x)Jrf'(x)]dx=[e"f(x)]é=e.f(1)—f(0):e_1_

1
Theo dé bai J'e"[f(x)+f’(x)]dx=ae+b, a,beR suyraa=1,b=-1.

0
Do d6 @ 4+ p219 — 12019 +(_1)2019 0.
Chon A

1

1
Ta co: If(x)sinzxdx=—Ef(x).cos£x
0 2 V4 2

2 ¢ V4 3
+—| f'(x).cos —xdx = —
ﬁ_([f(x)coszxx >

0
1 P 1 1 P 1 T
J.(f(x)—3sin5x)2dx = Ifz(x)dx—6.[f(x)sin5xdx+9J.sin2 S Wx=0
0 0 0 0

1 1
s T 6
T day tasuyra f(x)=3sin—x = x)dx = |3sin—xdx =—.
y tasuyra f(x) 5 !f() { 5 -

Chon B

1 1 1
T gia thiét: [ox. f(x)dx = % = [5x.f(x)dx=1. Tinh: I = [5x.f(x)dx
0 0 0

bat: {u B f(x) = {du :5f'(X)dx

: —Ix

1
.Taco: I=[5x.f(x) dx-—x flx
UZEX 0
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Cau 33:

Cau 34:

1 1

I x)dx = 0—§jx2.f'(x)dx,

O 0

Ma: I=J‘5x.f(x)dx=1 :1=10—§J.x2.f'(x)dx (:)'([x2.f'(x)dx=E

0

©1oj f(x)dx = 36<:>10J. f(x j;[f’(x)de,

= ![IOxz.f’(x)—[f’(x)] }dx =0 E[f'(x)[l()xz —f’(x)}dx =0

10x°
3

+C

= 10x* - f/(x) =0 & f/(x)=10x* = f(x) =

10x°

Vi f(1)=4 :4:%+C:>C:§.Khidé: f(X)z

1
10x3+2 5x4+2x
J— X =| — —_—
3 3 6 3

0

u:f(x) :{duf'(x)dx

2
+=
3

Vay: j).f(x)dxzj: %

Chon B

Tinh I = J.x dx Dt{

dov = x*dx v==x
3

3

Ix f dx —54—%_[ f’(x)dx,.

0

Taco I——x f

3
Theo gia thiét: Ixz.f(x)dx I 14 I

0 O
3

@IxSf'(x)dx=8 <:>_(3[x3f x)dx = 4][ ] dx @I( —4[f’(x)]2)dx=0

0
3 4

@If’(x)[xs —4f’(x)]dx =0.=>x’-4f(x)=0< f'(x) ZXZ :>f(x)=ic—6+C.

Vi 6=C=2 Khids: f(x) 215
= —. 1 =T .
61 f(3)=6=C=1¢ © 16 16
2 (1 15 1 15 \3 117
Va de= || =x*+= |dx= Sy = =—,
a4 !f(x) * ![16 16} [SOX +1636)‘0 20
Chon C

Tinh: I = J.x dx bat:
dov = x*dx

u= flx du = f'(x)dx
f()j{ 1() |

v==—x"
4

Taco: I——x“f

j fx ———I flx

Theo gia thiét: jx3f( )dx =10 = j x*f'(x)dx =38

0
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Céu 35:

<:>8I f

dx——388<:>8f X (x

dx——38_|.[ de

<:>_|.(8xf )+38[ f(x)] )dx 0<:>If x).[8x* +38f'(x)]dx =0

= 8x'+38f'(x)=0 < f'(x)=

Vé6i f(1)=2 = C=

Vay j;f(x)dx = i[

Chon A

Xét | = J'(

4 4
—Ex4 = f(x):—%x5+c.
194 4 194
. Khi d6 22
186: f(x)=—ggx'+ 55
s+194)dx:(_ix6ﬂx)‘lﬂ.
95 285 95 " Jlo 57
nx e Inx
de=_|.f'( Inxdx+_|.
1
dx+J.e'”".d(In x)
1
e=f(e)—i+e+——1—e_l.
1 2¢? 2
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m Tich phan cho béi nhiéu ham

6x° khix <0
(a—az)x khix >0

Caul: Cho ham sb y= f(x)={ va [ = [‘1 f(x)dx . Hoi c6 tit ca bao nhiéu sé

nguyén a dé I1+46>07
A. 7. B. 4. C.6. D. 5.
Cau 2: Tinhtichphan I = I03max{x3;4x2 —3x}dx.
117 707 275 119

A —. B. —. cC.—. D.—.
2 2 12 6

cau3: Tinh I= Io2min{x;\3/2—x}dx.

A 1=2. B.I:E. C.I1=1. D.I:E.
4 4

Cau4: (P& tham khao — 2018) Cho ham s f(x) xéc dinh trén R\{%} théa man

f'(x):ﬁ;f(o)ﬂ va f(1)=2. Gid tri ctia biéu thitc f(-1)+ f(3) bang
A. 4+Inl15. B. 2+In15 C. 3+In15. D. In15.

Cau5: (Toan hoc va tudi tré - S6 6 — 2018) Cho ham s f(x) xac dinh trén R\{1} thoa man
1

f'(x)=—1;f(o)=2017 va f(2)=2018. TinhS = f(3)- f(-1)
X
A S=1. B. S=In2. C. $=In4035. D.S=4.
Caut:  Chohamsé f(x) =1~ "=+ Tin tich phan 1= [ f(x)
: ohamso f(x)= \/; i< p —!fx X.
A 1= B. 1=19, c.1=2 D. 1=
6 6 6 6

sinx  khix>Z
Cau7: Cho ham sb f(x) 2 Bibt j‘f x)dx a+b7z(a be@) Tinh T=a+0.

sinx khix<= z
2 4

A T=1L B.T=2. c.T=2 D.T=Z.
8 2 8 2
, x+1 khix>0 2
Cau8: Chohamso f(x)= . Tinh tich phan I = x Mx.
)= 2 Tt 1= (<
2 2 2 2
A1=2"1 B.1=2*1 cor=2-1 p. =11
2e 2e 2e 2e

3x*  khi0<x<1

Cau9:  Cho ham s6 f(x)={4 hil< <<
-X 1lsx=

2
. Tinh tich phan I =_[f(x)dx.
0
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Céu 10:

Céu 11:

Cau 12:

Cau 13:

Cau 14:

Céu 15;

Cau 16:

A7 B. 1. C.

2

D.

N |G
N | W

(Luc Ngan — Bic Giang — 2018) Cho ham s6 f(x) xac dinh trén R\{%} théa man

. 3 R 2 e e a2 , N
f (x)zm;f(O)zl va f(§j=2.G1a tri cta bi€u thirc f(—1)+f(3) bang
A. 3+5In2. B. 2+5In2. C. 4+5In2. D. 2+5In2.
Cho ham s6 f (x) xdc  dinh  trén  (0; +oo) \ {e} , théa  man
' _; 2 _ l _ ’ .7 c 1A I 1 3
f(x)_x(lnx—l)'f(e ) 3,]{82) In6. Tinh gi4 tri biéu thirc f(ej+f(e )
A. 3(In2+1). B. 2In2. C. 3In2+1. D. In2+3.
Cho ham s f(x) xac dinh trén R\{—l;l} va théa man f’(x): 21 T f(—3)+f(3):0 va
2=

f(—%)+ f(%j: 2. Tinh gié tri cia biéu thirc P= £(0)+ £(4).
A P=In§+2. B. P=1+ln§. C. P=1+lln§. D. lelné.

5 5 2 5 2 5
Cho ham s f(x) xac dinh trén R\{—l;l} théa man f'(x)z 22 1 f(—2)+f(2)=0 va

X2 —

f(—%j+f[%}= 2. Tinh £(=3)+ £(0)+ £(4) duge két qua
A —1+1né B. —1+1né C. 1+lné D. 1+1n§

5 5 5 5

<A A SO . - .z
Cho F(x) la mot nguyén ham cta ham s6 y = Tosinos voi Vxe]R\{ 1 +k7r,keZ} , biét
F(0)=1; F(z)=0. Tinh P:F(—EJ—F(H—EJ.
12 12
A P=2-3. B. P=0. C.Khéng tdntai P. D.P=1.
Cho ham s6 f(x) xac dinh trén R\{-2;2}, théa mdn f(x)= 24 7 f(-3)=0,f(0)=1va
2=
£(3)=2. Tinh gia tri bicu thirc P = f(—4)+ f(-1)+ f(4).
A P=3+In—. B. P=3+In3. C.P=2+In>. D. P=2-In2.
25 3 3
Cho ham ) f (x) Xac dinh trén R\ {—2 ; 1} , thoa man
f(x)= 2+4 5 £(-3)-£(3)=0, f(O):%. Gié trj cta biéu thie f(—4)+ f(-1)— f(4).
X 4+x—
A. 1+In80. B. 1+lln2. C. 1+ln2+1lné. D. 1+11n§.
3 3 3 5 3 5
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BANG DAP AN
1.C 2.C 3.D 4.C 5.A 6.B 7.A 8.C 9.A 10.A
11.A 12.C 13.D | 14.D 15.B 16.B
HUONG DAN GIAI CHI TIET
Caul: ChonC
0 4 0 4 0 X2 !
Taco I=.|.71f(x)z7lx+j0 f(x)clx=.|:16x2dx+_|.0 (a—az)xdx=2x3‘il+(a—a2)? =2+8a—84
0
Khido 1+46>0<2+81-8a°+46>0<a°—a-6<0
& 2<a<3ael=ae{-2,-1,0;1,2;3}
Vay ¢ 6 gia tri nguyén cia a théa man.
Cau2: ChonC
Trén doan [0;31:
Xét x° > 4x* -3x < x° —4x” +3x 20 < x(x—1)(x—3)2 0= x €[0;1]dox €[ 0;3]
X 35442 3 . .
Vay 3ce[0,1]:>x3_4:x2 3x :>max{x3;4x2—3x}= 2x kh% xe[(),l].
xe[;3]|=x" <4x" —=3x  a0n 4x"-3x khi xe€[1;3]
Khidé I=[ Sax? ~3xbdx = [ dn+ (43 —3xYx = 222 . Chon dp én C
ido —jomax{x, xt - x} x—J.Ox x+L( xt - x)dx—f. on dap an
Céau3: ChonD
Trén doan [0;2]:
Xét x22-x & 22-x o2’ +x-2206 (r-1)(x* +x+2) 20— x e[1,2]
0;1 <32- x khi xe[0;1
Vay rel0id]=x * = min{x;32-x} = L071] .
xe[l;2]= x>R2—x «02) J2—-x khi xe[1;2]
Castio
Khi d6 I=J.02min{x;\3/2—x}-dx=.[01xdx+J.12\3/2—xdx = E.Ch()n dap an D
Cau4: ChonC
Cach 1:

2dx

5 ln|2x—1|+C1 khi x E[—oo;%j
2x—1:>f(x):j2x—1=

T f'(x)=

In[2x—1|+C, khix e (%ij

1n|2x—1|+1 khi x e [—oo;

N | =

)

0)=1 - -
Ta c6: {f( ) :{8+§1 _12<:>{gl _12:>f(x):
f(1)=2 T = 2= ln|2x—1|+2khixe[%;+ooj

Khi do: f(-1)+ f(3)=In3+1+In5+2=3+In15.
Céch 2:
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Cau 5:

Cau 6:

CauT:

Cau 8:

Cau 9:

Céau 10:

, £(0)-f(- If sz 1dx In|2x - 1||°—1n% (1)
Ta co:
f(3)-f(1)=f(x)k= _[f x)dx = j dx=1n|2x—1||§=1n5 @)
Lay (2)-(1), taduoc: f(3)+ f(-1)-£(0)- f(1)=In15= £(3)+ f(-1)=3+In15.
Chon A
Céach 1:

T f'(x) SN f(x)=

dx lr1|x—1|+C1 khixe(—oo;l)
x-1 x-1

1r1|x—1|+C2 khi x e (1;+oo) '
Ta 6 £(0)=2017 . {0+c1 =2017 - {cl =2017 L f(x) - In|x 1| +2017 kh‘i xe(-o0;1)
f(2)=2018 " |0+C,=2018 ~ |C,=2018 In|x —1|+2018 khi x & (1;+)

Khi do: f(3)- f(-1)=In2+2018—(In2+2017)=1.
Cach 2:

£(0)-£(- J.f x)dx = }%dx In|x - 1||°—1n— (1)

X
3

£(3)-£(2)=f(x)B= _[f x)dx = iﬁdx In[x-1|F=In2 (2)

Lay (2)+(1), taduge: f(3)+f(-1)+ f(0)- f(2)=0=5=f(3)+ f(-1) = f(2)- f(0) =1

Chon B
Taco; I =j.f(x)dx=]jf(xﬁx+j;f(x)ix=jfx/;dx+j;(x—2)dx:%.

Chon A

M\:a
NN

Ta co: szf(x)dxzj x)dx+_[f x)dx Ism2 xdx+]£sinxdx

E

N
NN

jlcﬁdx+]zsinxdx:[1x—lsin2xJ %—COSX T =—+—rm=a+br
: 3 24 ‘ :
Do abe(@:>a—§ b:1:>T:a+b:E.
4 8 8
Chon C
2 0 2 95 _1
Ta co: I=jf(x)dx=[=ff(x)dx+[=jf(x)ix I e*dx+1= Ix+1)dx—2—.
-1 -1 0 e

Chon A
1 2 1 2 x2 5 7
Taco: I:If(x)dx+jf(x)dx:I3x2dx+.|‘(4—x)dx:x3‘é +[4x—?]‘f :1+E:E.
0 1 0 1

Chon A
Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 4
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3 y 1n|3x
, o x
Cach 1: Tur f(x)=3x_1:>f(x)=j3x_1=
In|3x
f(0)=1 _ _
Taco: < (2 :{0+C1_1<:>{C1_1:>f(x):
flZ]=27]0+c, =27 ¢, =2
5

_1|+C1 khixe (—oo;%)

-1+C, khixe[%,-mJ

ln|3x—1| +1khixe (_00;1]
3

In|[3x —1|+2 khi xe[%;+ooJ

Khi d6: f(-1)+ f(3)=In4+1+In8+2=3+In32=3+5In2.

o 0 ' 0 3 o 1
£(0)-£(-1)=f(x) |1=j1f (x)dx:[3x_1dx=1n|3x—1| fi=In_ ()
Cach 2: Ta co: 5 3 55
f(3)—f(§j:f(x)%:!f'(x)dx :!2x_1dx:1n|3x-1| %:InS 2)
; 2
Lay (2)-(1), ta duge: f(3)+f(—1)—f(0)—f(§j =In32= f(-1)+ f(3)=3+5In2.
Céu 11: Chon A
. 1 d(Inx-1
Taco f(x)zjf’(x)dxzjx(nx_l) = (lnx— )=ln|lnx—1|+C
= f(x) - 1n(lnx—1)+Cl khi‘xe(e;.+oo)
n(1-Inx)+C, khixe(0se)
f(ez)ze, ln(lne2_1)+C1=3 {Clz
Taco 1 = 1 <
f[—zJ =In6 ln[l—ln—2]+C2 =In6 C,=In2
e e
) ~ ln(lnx—1)+3 khixe(e;+oo) 1 ~
Do dg f(x)_{ln(l—lnx)wtlnz khixe(0;6)3f£gj+f(€ )_3(ln2+1)
Céu 12: Chon C
. 1 1
Taco [ f(x)dx _sz_ldx_j—(x_l)(x+1)dx
1, x-1
—In—+C,,x|>1
_1 (L_Ljdx:1(1n|x_1|_1n|x+1|)+c: 2 x+1 |
29 x-1 x+1 2 11 1-x
—In—=+C, |x|<1
2 x+1
f(—3)=%1n2+Cl; f(3)=—%1n2+Cl, dodo f(-3)+f(3)=0=C, =0.
(4] tmaecs f(2)--hmarcdoto (2o s{2) -2,
1.3 : 1.3
f(0)=C, =1; f(4):§1ng,do do f(0)+f(4):1+51ng.

Cau 13: Chon D
5 | Facebook tac gid: Phan Nhét Linh
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Taco If dx_J' 22
2=

1

:j[___]dx_hqx |-mnfegec=] ¥

x-1 x+1

dx =
1

~1)(x+1)

dx

ln—1+C |x|>1

1

x+1

f(-2)=m3+C,; f(2)= ln +C,,dodo f(-2)+f(2)=0=C,=0.

f( j In3+C,; f%) ln—+C do d6 f[—%j+f(%j=2:>c2=1.

Vay f(-3)+f(0)+f(4)= ln2+1+ln——lng+1

Céu 14: ChonD
Céch 1:

Taco If'(x)dx =.|. 1

1+sin2x

l tan
2

S 1
2Si1’12( ] 1tan
2

Khido p=rF| -Z |- | =2
12 12

Céach 2:

12

Ly (2)-(1) ta duge F(_E

Céu 15: Chon B

Taco f(x)=[f(x)dx= J‘ﬁ

. 2
(smx+cosx)

— |+C,,x€e —S—ﬂ z +k27
4’ 4
T 37 .
— |+C,xe|——;,— |+k2x
4" 4
1

nz =

dx

(2)

_]+F(ﬂ)_p(o)=} dx ¢ dx

oo ypl 7 pfUZ) 0 o p 7
12 12

i1 1+sin2x 7 1+sin2x
12 12

)

4dx

x—2|

=In +C

x—2)(x+2)

x+2|

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 6
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+C, khixe (2; +oo)

+C, khixe(-2;2)

+C, khixe (—oo;—Z)

C,=1 C,=1
In5+C, =0 C,=-In5

In 1 +C, =2
5 C,=2+In5
=

x—=2
xX+2
2—x
x+2
x—=2
xX+2

+2+1In5 khixe(2;+oo)

Do d6 f(x)=<In +1 khixe(-2;2)

In

—-In5 khixe (—oo;—Z)

Suyra P=f(—4)+ f(-1)+ f(4)=3+In3.

Céu 16: Chon B
dx 1
T _1
acof -[f J‘x +x-2 I(x—l)(x+2) 3
Iin[ 221 )hc knixe(14)
3 \(x+2
= f(x)={5mn| =3 |+C, Mhixe(-21)
X
T[22 )ic, khixe(-0-2)
x+2) '

x 1
x+2

—|+C

Tacé f(-3)-f(3)=0= %1n4+C3 —(%m%wJ =0<C, =C, +%ln10

f(o)=1:> IniiC,=tec,=2lm2
373 2 3 33

1111 x—1 +C3+11r110 khixe(1;+oo)
3 (x+2 3

Do dé f(x)=]~n| X+ 1ilimo pmive(-2:1)
3 (x+2) 33
L[ 271 )ic, khix e (~o0-2)
3 \(x+2

1

Suyra f(—4)+ f(-1)- £(4) =(%lng+C3j+(%ln2+%+gln2j—(lln%+q +%ln10].

:1+1ln2
3 3

7 | Facebook téc gid: Phan Nhat Linh
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m Két hgp doi bién, tirng phan tinh tich phan

COS X
sin? x—5sinx+6

2
Céul: Cho j dx=a|nﬂ+b,vc’yi a,beN,ceN". Tinhtong S=a+b+c.
c
0

A. S=1. B.S=0. C.S=4. D. S=3.

x>+1 khi x>2 s .
.Tichphan | = | e**f'(e* Jdx ban
4x—-3 khi x<2 P ;[ ( )d J

A. 126. B. 84. C. 63. D. 42.

Cau2: Chohamsd f (x):{

1
Cau3: Cho ham sé f(x) c6 dao ham lién tuc trén R . Biét f(5)=1va [xf(5x)dx=1. Khi d6
0

5
J'xzf '(x)dx bang

0

A. =25, B. 15. C.—. D. 23.

2x-1 khi x>0
x?—x—1 khix<0
13 50 c 19 11

L= B. —. L= D. —.
24 3 24 6

’ 2 N
Cau4: Chohamso f(x):{ . Tich phan | :fo’(ZX)dx bang

0
Cau5: Chohamsé y= f(x) co dao ham lién tuc trén R va thoa man f (4)=5; '[ f(2x+4)dx=6.
-2
4
Tinh giatri 1 = [xf'(x)dx.
0
A 1=8. B. 1 =-8. C.1=4. D.1=-4.

Cau6: Chohamsd f(x) liéntuctrén R, thoa f(X)=x 1+i— f '(x)j, Vxe(0;40) va f(4)=

Ix

wlhs

Gia tri ciia i(x2 ~1) f'(x)dx bang
1

A 258 B. - 23 c. B p. 7
15 30 15 30
Cau7: Chohamsé f(x)= — . Ho tt ca cdc nguyén ham ctia ham s6 g(x)=(x+1) f'(x) la
X°+4
X+ 4 X—4 X2 +2x—4 2X2 + X +4
A ———+C. B. ———+C. C. ——+C. D. ———+C.
X +4 20X% +4 X% +4 2N X +4

3
Cau8: Cho ham sb f (X) c6 dao ham lién tuc trén R théa man f (3) =21, j f (x)dx=9. Tinh tich
0

1
phan | =_[x.f '(3x)dx.?
0

1 | Facebook tac gid: Phan Nhét Linh
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Cau 9:

Cau 10:

Cau 11:

Céu 12:

Céu 13:

Cau 14:

Céau 15:

Cau 16:

A. 1 =15. B.1=6. C.1=12. D.1=9.
4 f \/; 2

Cho ham sb f(X) c6 dao ham trén R thoa man f(2)=3, j E/, )dX:Z, JXf'(X)dX=3
1 X 0

Tinh

1

If(x)dx

0

A. 5. B. 1. C. 2. D. 3.

2
Cho Ix;zlnxdx:a+bln2+cln22,vc’yi a,b,c e Z. Tinh gia tri ctia biéu thuc S = a+2b—3c.
X
1

A.S:%. B.S=6. C.S=2. D. S=0.

1
Cho ham s6 y = f (X) c6 dao ham lién tuc trén R . Biét f(5)=1va [xf (5x)dx=1. Tinh tich
0
5
phan 1 :Ixzf'(x)dx.
0

A .1 =23. B. 1=15. C.l==—. D. 1 =-25.

2x-1 khi x>0
x> —x—1 khix<0
A 13 50 c 19 11

C—. B. —. C—. D. —.
24 3 24 6

Cho ham s f(x):{ . Tich phan | :.[_szf’(ZX)dx bang

Cho ham sé y=f(x) c6 dao ham lién tuc trén R , théa man f(0)=1 va
3

f(x)+ f(3-X)=x?—3x+4 v6imoi x e R. Tich phan j xf '(x)dx bing
0

A.E'. B.E. C.g. D.@.
4 4 4 4

1
A - b 7. \ ~ A ~ 2 7 . 5
Cho biét J.x[smﬂx+ln(x+1)]dX:a+—+c|n2; vGi a,b,c 1a nhitng O hitu ti. Gia tri cia
r
0

biéu thie T =a+b+c twong (mg bang

A 5. B.Z. C.

D.2.
2 4

NG IEN

Cho ham s y=f(X) c6 dao ham lién tuc trén R théa min f(0)=3 va
2

f(x)+ f(2-%) =% ~2x+2, VxeR . Tinh tich phan | = [ xf'(x)dx.
0

A |=_—10. B._—4. C.
3 3

D.

w | ol
wN

Cho ham s6 y=f(x) ¢6 dao ham tén R théa man f(0)=3 va
f(x)+f(2—x)=x*-2x+2,vxeR. Tinh | :J'Ozx.f'(x)dx
Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 2
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4 5 2
A 1=_10 B. l=—2, c.l1=2. D.1=%

3 3 3 3

1 2 _— r r
Cau 17: Cho Ix(ezx +2\3/X—1)dX: ae b, vGi a,b, ¢ 1a cac s6 nguyén va a,b nguyén to cung nhau.
C
0

Tinh P=a+b+c.
A. P=10. B. P =18. C. P=46. D.T=24.

N
IN

= 2
Cau 18: Chohamséd y=f(x)= x+1 . 2 Tich phan | :_[sin 2x.f'(sinx)dx bang
2x-1 khi 53x£1 0

A. g—4ln3+4ln2. B. g+4ln3+4ln2.
3 3
C. —§+4In3+4ln2. D. E+4In3—4|n2.

3 1
Cau 19: Cho ham sb f (x) lién tuc trén R va thoa man f (3)=21, j f (x)dx=9. Tinh jxf '(3x)dx
0 0

bang
A 9. B. 12. C.6. D. 10.

1
Cau20: Chohamsd f (X) cd dao ham f’(X) trén doan [0;1] théa man f (1) =4 va I f (X)dX =3. Tich
0
1
phan jx3f'(x2)dx bang
0
A. —1. B. 1. C. 1 D. -1.
2 2
Cau2l: Cho ham sb y=f(x) lién tuc va c6 dao ham trén R théa man
1
5f (x)—7f (1-x)=3(x*—2x), vxeR. Biét ring tich phan | =[x '(x)dx:—% (véiab la
0
céc sO nguyén duong va % 1a phan s6 tbi gian). Tinh T =3a-h.

A. T =0. B. T =-48. C. T =16. D. T=1

Cau22: Cho ham sb y=f(x) co6 tip xac dinh Ila D:R\{g} va thoa min

3xf'(x)=3+2f'(x),vxeD . Biét rang f(2)=In8 f(0)=0 wva tich phan
0

L= (f(x)+f (1))dx:w—1,(a,bez).Tinhgiatri a+hb.

-1

AT, B.5. C. 3. D. 6.
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1 2

Cau 23: Cho ham s f (x) co6 dao ham lién tyc trén [0;1], théa man f (1)=1, I[f(x)] dX:% va

0

0

B. L. c. L. p. L.
7

16 25

jf(\/;)dx:é. Tich phan jfz(x)dx bang
0

AL

g

Cau24: Chohamsé y= f(x) c6 dao ham lién tuc trén R thoa f (x)+ f [%—x) =sin XCcoS X , v&i moi

2
xeR va f(0)=0.Gid trj cia tich phan [ x.f'(x)dx béng:
0

Al B. Z. C. -=. D. - %
4 4 4 4

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 4
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HUONG DAN GIAI CHI TIET
2
Cau 1: I — cosx dx:alnﬂ+b,vc’ri a,beN,ceN". Tinhtong S=a+b+c.
5 SIN“ X—=5sin X +6 c
A S=1. B. S=0. C.S=4. D. S=3.
Loi gidi
Chon C

COS X
sin® X —5sin X +6

Xét tich phéan | = dx.

O V| N

biat t =sinx = dt =cos x.dx .

Poi can:
T
X 0 E
¢ | o 1
1 1 1
Ta co: I:j%dtzj(i—i]dt: nﬂ :Ini.
o 15t +6 \t-3 t-2 t-2f, 3

Vay a=1,b=0,c=3=S=a+b+c=4.

Cau?2: Cho ham sé f(x)z{xzﬂ KN X22 e phan Izl]‘sezxf’(ex)dx bing
4x-3 khi x<2 5
A. 126. B. 84. C. 63. D. 42.
Loi giai
Chon B
biatt=e"=dt=e"dx. V6i x=0=t=1va x=In5=1t=5.
u=t du =dt
Taco | _It f'(t)dt. bat {dv: f’(t)dt:{v= f (1)

5

SuyraI_Itf (t)dt =tf (1)) = [ f (t)dt=5F (5)- f (1)- j(4x 3)dx—j(x2+1)dx

1

=130-1-3-42=84.

1
Cau3: Cho ham so f(x) c6 dao ham lién tuc trén R . Biét f(5)=1 va j xf (5x)dx=1. Khi d6

0

5 N

Ixzf '(x)dx bang

0

A. -25. B. 15. C. % D. 23.

Loi giai
Chon A

1
H)Xét A= [xf (5x)dx =1
0

bat t =5x = dt =5dx

5 | Facebook tac gid: Phan Nhét Linh
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.. . |X=0=1t=0
D61 can
X=1=1t=5

5t 15 5 5
A=|-f(t —:— tL.f()dt=1= |t.T(t)dt=25= | x.f(X)dx =25
!5 (®). 25! () j () j (x)
5

2x-1 khi x>0

2 \
.Tichphan | =| xf’(2x)dx ban
x*—x—1 khix<0 P L (2%) g

Cau4: Chohamsb f(x):{

S ) c 2 o 1L
24 3 24 6
Loi giai
Chon B

Ditt=2x=dt=2dx.Ddicin x=—2=t=-4 x=2=t=4

4

z_j tf'( dt——j xf’ (X)dX=%{Xf(X)_4‘ﬂf(x)dX]

= %(104—_[_04(x2 - x—1)dx—.|._04(2x—1)dx) = @

0
Cau5: Chohamsé y= f(x) c6 dao ham lién tuc trén R va thoa man f (4)=5; .[ f(2x+4)dx=6.
-2

4
Tinh giatri I = [ xf*(x)dx
0

A. |1=8. B.1=-8. C.1=4. D.I1=-4.
Loi giai
Chon A
) 0 10 - 4
Taco jf(2x+4)dx=6<:>z_[f(2x+4)d(2x+4)=6ﬂ>jf(t)dt=12.
_ 2 0

4

DAty W Khido 1 =xt (0 [ 1 (x)dx=a5-12-8
’ dv:f'(x)dx:> v=f(x) rdo f=x (x)|0_.([ (x)dx=4.5-12=8.

Cau6: Chohamsb f(x) liéntuctrén R, thoa f(x):x[1+i— f '(x)], Vxe(0;+0) va f(4)=

N

Wl

Giatri cua I f '(X)dx bing

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 6
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) B, 22 c. 2L p. £
15 30 15 30
Loi giai
Chon C
Tir gia thiét ta c6

f(x)= x(l+%— f '(x)j:> f () +xF'(X) =X +/% = (xf (x))' =X+X
x> 2
:>xf(x):3+§x\/;+c.

2
Mat khac f(4):%, suy ra C =-8 hay xf (x)=%+§x&—8.

bit u=x*-1=du =2xdx .
dv = f'(x)dx, chon v= f(x).
Khi do

4

j(xz -1) f/()dx =(x*-1) f (x)\i1 —2:[xf (x)dx =15f (4)—2I(§+§x&—8de

1

_ 457
15

Cau7: Chohamsé f(x)= . Ho tat ca c4c nguyén ham ctia ham s6 g(x)=(x+1) f'(x) la

X* +4
2 2
A X4 e B. X4 ,c. o XEZxd o op XL o
x> +4 20x*+4 2NX*+4 X2 +4
Loi giai
Chon B

Ig(x)dx=f(x+1) f'(x)dx. Dat {

u=(x+1) du = dx
dv = f’(x)dx:{v= f(x)

:Ig(x)dx=(x+1)f(x)—jf(x)dx=(x+1)f(x)—I\/X2Xﬂdx_

Tinh X dx, dit t=vx* +4 =t> =x* + 4 = tdt = xdx .
I\/x2+4
X t
dx=[-dt=[1dt=t+C=~/x*+4+C.
[
Khi d6: J'g(x)dx:(x+1)L—\/x2+4+C:X;4+C.

VX +4 X* +4
3
Cau8: Cho ham s6 f(x) c6 dao ham lién tuc trén R thoa man f (3) =21, J f (x)dx=9. Tinh tich
0

1
phan | = [x.f(3x)dx.?
0

A. =15, B.1=6. C. 1 =12. D.1=9.
Loi giai
Chon B

7 | Facebook téc gid: Phan Nhat Linh
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o U=x du = dx
"av=t(3x)ax v :%f(?,x)
1

Khi do: I—X—f

J:%f (3)—%l'f(3x)dx

0

x=1=t=3

bit t=3x:>dt=3dx:>dx=1dt.Déican
3 x=0=t=0

Cudi cung | = 1.21—1.3 =6.
3 3

A e 1),
Cau9: Cho ham so f(X) c6 dao ham trén R thoa man f(2)=3, j 7x dx =2, _[xf’(x)dx=3.
1 0
Tinh
1
If(x)dx
0
A. 5. B.1. C. 2. D. 3.
Loi gidi
Chon C

DPitt=+/x,taco dt =—dx.

24/x

Doi can: khi x=1 thi t=1; khi x=4 thi t=2.

(V)
Khi d6 2= ! " dx = 2[ dt:j dt_lhayJ. x)dx =1.
. u=x du =dx
A {dv: f’(x)dx:{v= f(x)
Taco 3= Ixf x)dx = xf (x )‘ Jz'f(x)dx:Zf(Z)—J%f(x)dx
0 0
<:>3:2.3—jf dx:>j X)dx =3.
0

2 1 2
Ta lai co: jf(x)dx:Jf(x)dx+If(x)dx
0 0 1

2
Cau 10: Cho jx;zlnxdx=a+b|n2+c|n22,vdi a,b,c e Z . Tinh gia tri ctia biéu thire S =a+2b—3c.
X

A.S:%. B.S=6. C.S=2. D. S=0.

Loi giai
Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2029 | 8
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Chon B

T 2 2 2Inx
a co: j—lnxdx jl—; Inxdx:jlnxdx—zj'—d
1 1 1

Tinh 1, :Jln xdx

_ ju=Inx du:ldx
Dt = X
dv =dx

2 2 2
Il:Jl‘lnxdx=(xlnx)|f—_[x.%dx:ZInZ—Jl-dx:Zan—l.

Tinh 1, _j'”x

Dattzlnx:dt:%
X

boi X t can:
2 In2 2 In2 2|In2 2
1 0 I2=Im—xdx= jtdt:t— =In 2
R 0 2 0 2

2
Do dé jx;2|nxdx=2|n2—1—|n22
X

Suyraa=-1 b=2; c=-1.
Vay S=a+2b-3c=-1+22-3.(-1)=6.

1
Cau 11: Cho hamsd y = f(X) c6 dao ham lién tyc trén R . Biét f(5)=1va Ixf (5x)dx =1. Tinh tich
0

5
phan 1 :Ixzf’(x)dx.

A | =23, B.1=15. C. |_1§3 D. =25

Loi gii
Chon D

1 1
Taco [xf (5x)dx=1=> [5xf (5x)d(5x) = 25:>Ixf x)dx =25.
0 0

Khi d6 | :Ixzf'(x)dx:J:xzd(f (x))=x*f (x)] —I f(x)d(x?)
= 25f (5)—2j'xf (x)dx = 2550 = —25.

2x-1 khi x>0

1 i ye g Tich phan I = [ xf'(2x)dx bing

Cau 12: Chohamsé f(x) :{

9 | Facebook téc gid: Phan Nhat Linh
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A B. 2. c p. 1.
24 3 24 6
Loi giai
Chon B

Patt=2x=dt=2dx.Pdicin x=—2=t=-4,x=2=>t=4
4 4
_4—Lf(x)dx)

50

=—J. tf'( dt——j xf' (x)dx=%(xf(x)

1 0/,
=Z(1O4—j4(x —x-1)dx— j (2x- 1)dx)
Cau13: Cho ham s6 y=f(x) c6 dao ham lién tuc trén R , théa méan f(0)=1 va

3
f(X)+ f(3-%)=x?—3x+4 véimoi X R. Tich phan jxf '(x)dx bang

A. 2—1 B. § C. Q D. 4—9
4 4 4 4
Loi giai
Chon A

Do f(x)+ f(3—x)=x*-3x+4nén f(3)+f(0)=4= f(3)=4-f(0)=3
Ap dung cong thirc tich phéan tung phan ta co

Txf '(xX)dx = Txd(f (x)) = xf (x)|z —i f(x)dx =31 (3) —T f (x)dx = 9—} f (x)dx

3
Xét tich phan 1 = j f (x)dx.
0

bat x=3-t tacd dx=—dt
DPbican x=0 thi t=3 va x=3 thi t=0 nén

_?f f (x)dx :—j‘ f(3—t)dt :j f (3—t)dt :T f (3—x)dx
Do do

| =f f(x)dx = %U f (x)dx+f f(3— x)dx}

3
== [(f()+f@-x)d :-j(x —3x +4)dx
0
_1fx 8, _E
213 2
15 21
Suyra | xf'(X)dx =9——=
y jx (9dx=9-""="".

1
Cau 14: Cho biét jx[sinyzx+|n(x+1)]dx:a+9+c|n2; voi a,b,c 1a nhimg s6 hitu ti. Gia trj cla
T

biéu thirc T = a+b+c tuong tmg bang

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 10
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c. L. D. 2.
4 4

A 5. B.

N~

Loi giai
Chon D

1 1 1
Taco: | :Ix[sinnx+In(x+1)]dx:'[xsin(zzx)dx+.[xln(x+1)dx.
0 0 0

A B
du =dx
1 ta dugc:

dv =sin(7x)dx = V=——cos(7X)
VA

. 1 u=x
* Tinh A:Ixsin(;rx)dx. Pat {
0

1 1

1
+1.[cos(7zx)dx:£+£.isin(ﬂx)
%

A:—ﬁcos(nx)
T T T

T

0

u:ln(x+1):> T X+l

1
* Tinh B:_[xln(x+1)dx.Bét
5 dv = xdx y x> 1

B=(X22_1j|n(x+1):

Vay I:A+B:l+£:> b=1 :T:a+b+c:1+1+0:§.
4 r c=0 4 4

Cau15: Cho ham s6 y=f(X) c6 dao ham lién tuc trén R thoa man f(0)=3 va

2
f()+f(2-X)=x*~2x+2, VxeR . Tinh tich phan | = [ xf'(x)dx.
0

A.|=_—10. B._—4. C.§. D.z.
3 3 3 3
Loi giai
Chon A
_lu=x du =dx
Red {dv= f(x)dx Chon {v= f (x)

2

|:x.f(x)|§_ff(x)dx:zf(z)_a @) véi J = (x)dx

2
)Pt x=2-t = J=—[f(2-t)dt=[ f (2—x)dx
0

2

=-(|)2'[x2 —2x+2—f (x)]dx:j(x2—2x+2)dx—

O ey N

—
—~~
x
S~
o
X
Il

|

|
(&

8 4
Suyra2lJ=—=J=— (2
y 3 3 (2)

11 | Facebook tac gid: Phan Nhét Linh
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+) Taco: f(X)+f(2-x)=x"-2x+2, VxeR

Chon x=0,taco: f(0)+f(2)=2ma f(0)=3suyra f(2)=-1(3)
4 -10

+) Tu (1), 2)vaB)suyra | = 2.(—1)—5 3

Cau16: Cho ham sb y=f(x) c6 dao ham tén R théa man f(0)=3 va
f(x)+ f(2—x)=x*-2x+2,vxeR. Tinh I:J.OZX.f’(x)dx

A
_10 B l=—2 C 1=

2
: D. l=—.
3 3 3

w | ol

Al =
Loi giai

Chon A

*V6i x=0, taco: f(0)+f(2)=2« f(2)=-1

f(x)+f(2-x)=x*-2x+2,VxeR.

:>J‘02 f (x)dx+'[02 f (2—x)dx=J‘:(x2 —2X+ 2)dx

<:>J.O2 f (X)dX-f-IOZ f (x)dx=g
2 4
<:>IO f(x)dx:g

* Xét | :J'Ozx.f'(x)dx

bit u=x du=d
¢ dv=f’(x).dx:> v=f(x)

2 (2 4 10
| =x.f (x)|0—J‘0 f(x)dx=2.f (2)—§=—€.
1 2
Cau 17: Cho Ix(ezx +2§/ﬁ)dx: ac b, v4i a,b, ¢ 1a céc sd nguyén va a,b nguyén t cung nhau.
c
0
Tinh P=a+b+c.
A. P=10. B. P=18. C. P=46. D.T=24.
Loi giai
Chon C.
Ta co:

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 12
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j[x(e2X + Zﬁ/ﬁ)dx = Jl' x(e2X + Zﬁ/ﬁ)dx

1

e 2de+2} X~k

o

Iezxdx+2j (x-1+1 J_dx

0

Z_EQZX
4

+ZJ x-1 «/_dx+2'|‘\/_dx

N |~ I\)IH NIH

e? —%ez +%+ 2'([(x—1)3dx+ 2_([(x—1)3dx

1 1

7

:le2+1+2(x_1)3
4 I

3 b

—a=7,b=11c=28.

Vay T =a+b+c=7+11+28=46.

2

4
+2(X_1)3

Lo
4 4
3

0

Cau 18: Chohamsd y=f(x)=

A. g—4ln3+4ln2. B. g+4ln3+4ln2.

C. —g+4ln3+4ln2. D. g+4ln3—4ln2.

Loi giai
Chon A

s T

2 2
Taco | = jsin 2x.f'(sinx)dx = 2Isin x. ' (sin x).cos xdx .
0 0

bat t =sin x = dt = cos xdx ..

Véi x=0 thi t=0.

Véi x=2 thi t=1.

1
Khido | =2[t.f(t)dt.
0

Bat u=t du=dt
av=f(t)at " Jv=f(t)

13 | Facebook tac gid: Phan Nhét Linh
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+o4=——=
4 7 2

28 ¢

s

2
2 Tich phan | :_[sin 2x.f'(sinx)dx bang
0
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Cau 19:

Cau 20:

Suyra | = 2((tf ) -i f (t)dtj = 2f (1)_zi f (x)dx

X+

(2x—1)dx

Il

N

|

N
O NV |
>
+ [N
(BN

N | Sy

- 2—2[(2In|x+1|)‘§ —(x2 —x)‘ll}
2
=2-4(In3-In2)-=
:§—4In3+4ln2.
2

3 1
Cho ham s6 f (x) lién tuc trén R va thoa man f (3)=21, j f (x)dx=9. Tinh jxf '(3x)dx
0 0

bang

A 9. B. 12. C.6. D. 10.
Loi giai

Chon C

1
Taxét [xf'(3x)dx

0
. dt 2. .
Datt:3X:>§:dx,dmcan X=0=1t=0; x=1=1t=3.

Suy ra I xf'(3x)dx = —jtf (t)dt= Ixf (x)dx (vi tich phan khong phu thuge vao bién).

Dit u=xX du =dx
' dv:f’(x)dxc} v=f(x)

3
Suy ra %!xf'(x)dx:glzxf (x)

1
Vay J.xf '(3x)dx =6..
0
1
Cho ham sb f (X) c6 dao ham f '(X) trén doan [0;1] théa man f (1) =4 va I f (X)dX =3.Tich
0

phan jxs f ’(x2 )dx bang
0

A. —E. B. 1. C. E D. -1.
2 2
Lai giai
Chon C

bat t = x* = dt = 2xdx
Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 14
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Pdican: x=0=1t=0, x=1=t=1.
Do d6

:[xg.f’( =—jtf J' "(x)dx

O
bit u=x du =dx
¢ dv:f'(x)dx: v:f(x)
Khi do
1 1t 1
(== [ x 7 (x)dx == x.f
_([x (x )dx 2_([x (x)dx Z(X (x)

Cau2l: Cho ham s6 y=f(x) lien twec va c6 dao ham tén R théa min

1 1

L 1
_j f (x)de:E(f (1)—3):5(4—3)7.

0%

1
5f (x)~7f (1-x)=3(x" ~2x), vxeR. Biét ring tich phan 1 =[x.f '(x)dx=—% (voi a,b I
0

2 a Lo he
cac so nguyén duong va b la phén s toi gian). Tinh T =3a-b.

A. T =0. B. T =-48. C. T =16. D.T=L
Loi giai
Chon D
1 1 1 1
Taco: | =[x (x)dx=[xd f(x)=1=xf(x) - [ f(x)dx="f(1)-](x)dx (1)
0 0 0 0

Theo gia thiét: 5 (x)—7f (1—X)=3(X2 —2X) =X I[Sf (x)-7f(1- x)]dx:3j'(x2 —2x)dx

:>5j f (x)dx—?j' f (1—x)dx =3j-(x2 —2x)dx :5_[ f (x)dx—?j' f(1-x)dx=-2. (2)

0

=

o

1
Bing céch ddi bién t =1-x, ta ¢6 j f(1-x)dx =—

P — O

f(t)dt =j f (t)dt =j f(x)dx. (3)
Thay (3) vao (2), ta c6 SI x)dx — 7J‘ (x)dx =—2 :>_[ x)dx =1.

Mit khac do 5f (x)—7 f(l—X):S(X —ZX) nén lan luot chon X=0,x=1 taco

{5f(0)—7f(1) 0 :>f(1)=§
5f(1)-7f(0)=-3 8

1
Thay f(1)== vaj x)dx =1 vao (1)taco I =f(1)- jf(x)dx=§—1:—§.
0

Viay a=3;b=8= T =3a-b=9-8=1

Cau22: Cho ham sb y=f(x) c6 tdp =xéc dinh Ia D=R\{§} va thoa main

3xf'(x)=3+2f'(x),vxeD . Biét rang f(2)=In8 f(0)=0 wva tich phan
0

= [(F(0)+ 1 (1))dx:M-1,(a,bez).Tinhgiétri ath.
-1
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Céau 23:

Loi gidi
Chon A
Véi XER\{E} tac6 3xF'(x) =3+ 21'(x) & (3x—2) f/(x) =3 f’(x):3X3 .

2
(3-2) In(3x—2)+C1,x>§

3x—2

) 3 d
Khi @6 f =|f’ = dx = .
e 1) J. (R j3x—2 ' j In(2-3x)+C x<z

27 3

C,=In2
=
C,=-In2

0
—In2+In 2)dx:jln(2—3x)dx.
O

Theo bai rathi f (2)=In8, f (0)=0 n4+C,=In8
— n , — =
eo bai ra thi n24C, =0

0 0

Taco | :I(f(x)+ f (1))dx:j(ln(2—3x)

-1

=In(2-3
Pt {u n(2-3x)

=
dv =dx

3
© 93x-2 3
—j . X
L% 3 3x=2
5In5—2|n2_
3

3x-2
==

In(2-3x)

0
2|n2+§|n5—jo|x=
3 3 ’

= 1.
Suyraa=5b=2=a+b=7.
1

Cho ham s6 f (x) c6 dao ham lién tyc trén [0;1], thoa man f(1)=1, I[

0
1
j f
0

1

" 25
Loi giai

B. =

1
(Vx e = % Tich phan ! £2(x)dx biing
INES
4

16

Chon D

o
f (x)] dx=5

~N| -

1
Ta co jf(&)dx:%,dat: X =t=dx =2tdt,ddican: x=0=>t=0,x=1=t=1.
0

1 2 ¢ 2 ¢ 1
Khi do: | f =— 2t.f (t)dt == T ==,
ido _([ (\/;)dx 5<:>_(|). (t)d 5:>.([x (x)dx c
du=f (x).dx
u=f(x) 1 X XL
Dat: 2 =>—=—_f(x) =|—.f (x)}x
’ {dv=x.dx V=" 5 2 ( )‘0 J; (xp
1y2 (1)2 1 3 1 ) .. 3
@_([?.f (x)dx=7 1—E=E<:>Ox f (x)dx=5.

.Suyra f(1)=In2.

va
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2 2
Xét: i[f'(x)+kx2} dx:0<:>j;[f'(x)] dx+2k.ix2.f'(x)dx+k2.j;x4dx:0

c>g+2k.§+l.k2=0©k=—3.
5 5 5

1 2
Khi d6: I[f'(x)—3x2] dx=0< f'(x)—3x2 =0 f'(x)::%x2
0
:If'(x)dx:jBXZdXQ f(x):x3+C<:> f(l):(1)3+C<:>C:O.

1 1
Nén: f(x)=x"< fz(x):xf’@jfz(x)dx:jﬁdx:%.
0 0

Cau 24: Chohamsd y = f (x) c6 dao ham lién tuc trén R thoa f (x)+ f (%—Xj =sin Xcos X , v&i moi

2
xeR va f(0)=0. Gia tri cia tich phan _[x.f’(x)dx bang:
0

AL B. Z. c. 1. D. -~
4 4 4

Loi giai
Chon B

Theo dé bai ta c6 f(x)+f(%—xj=sinxcosx va f(0)=0suyra f(%j:O.

2
Xét | :jx.f'(x)dx.
0

. u=X du = dx
o dv:f’(x)dx:> v=f(x)

c :
Ta lai co _[f(x)dx+_[f(%—x}dx:jsin Xcosxdx:% (**)
0 0 0

NN

Xét Jf(%—xjdx

0

Dit x:%—t:dx=—dt

lr'{
)
k| S

[
ta| 5
o
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O =N [N
Ot [N

f(tdt=]f(x)dx ()

2 0

Suy ra j f (%—x]dx = —I f (t)dt =
0 z
2

T (¥*) va (¥**)suy ra: | f (X)dx :% thé vao (*)suy ra | = —%.

O N | Y

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 18
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m Tich phan ham an phan 1

Luwu y: Trén day chi dua ra cong thirc 4p dung mang tinh chat tham khao va cong thirc dugc ching minh

tur cac vi du ¢ bai tap rén luyén.

Dang 1: f'(x)h(f(x)) = g(x)

Lay tich phan hai vé, ta duoc J.f’(x).h[f(x)] = Ig(x)

Str dung phuong phép vi phan: J‘h[f(xﬂd[f x)} _fg

Dang 2: A.f(x)+ B.u'f(u)+C.f(a+b —x) = g(x) vOi {u =t hodc {u(a) =0

b

Khi do: .ff x)dx—A+B+ng(x)dx B+ CI ()dx

A g(x—bJ_ B (x—cj
Dang 3: A.f(ax+b)+B.f(-ax+c) (véi A* = B*), khido f(x)= -

o HEquil: Af(x)+bf(-x)=g(x)= f(x)= 8 (Z)z_féf =),

o HEqua2: Af(x)+B.f(—x)=g(x)= f(x)= A(jl)g,g(x)léhémchﬁn.

Dang 4: Ham an cho dudi c4n tich phan
/

Ap dung cong thic [ff tdt] =u'x fux —v'xfvx.

Dang 5: Cho ham sé y = f(x) théa man f(u(x))=o(x) va u(x) la mot ham don di¢u trén K .
b dt =u'(x)dx b b

Tinh tich phén x)dx thitadat t =u(x)— =I1=|f(xpx=|f(tyt
f o 1o o 1 o o

Dang 6: Cho ham sé y = f(x) lién tuc trén R thoa man g(f(x))=x va g(t) la mot ham don

b
diéu trén R. Tinh tich phén jf(x)dx thi ta dit y=f(x) >x=g(y)=dx=g¢'(y)dy . Sau do

thuc hién d6i can va dua vé tich phan co ban.

b
Dang7: f x .f a+b—x =k khidé szk d/’[‘ :bz_k“.
+f x

b b
Dang8: f x =f a+b—x va I:fx.f x dx th‘ltac():ff x dx=

a

21
a-t+b
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Cau 1;

Cau 2:

Cau 3:

Céu 4:

Cau 5:

Cau 6:

Cau7;

Cau 8:

X

"y L 1 1)
Chohamso y = f(x) lién tyc trén R va f(x)+2f(—J:3x. Tinh Iz_[ dx
X 1
p

1

A l= I=1. C.I=2 D.I=-1.

Nloo
w

Xét ham sb f(x)lién tuc trén [0;1] va thoa man diéu kién 2f(x)+3f(1—x)=x\/1—x. Tinh
1

tich phan I = f(x)dx
0

AT=-2 B.I=—. C.1-=. D.I-—.
15 15 75 25

Cho ham s6 y = f(x) lién tuc trén R vathoa man f(-x)+2018f(x)=2xsinx. Tinh j. f(x)dx
g
2 B 2 4 1

L — L — cC. —. D. —.
2019 1009 2019 1009
Cho ham s6 y = f(x)lién tuc trén R va théa man f(-x)+2018f(x)=¢". Tinh gia tri cua

I:If(x)dx
-1
2 2 2
_e-1 ity C.1-0. D. =1
2019e 2018e e

Cho ham sé lién tyc trén R vathéa man 2 f(2x)+ f(1-2x)=12x". Phuong trinh tiép tuyén cia
d6 thi ham s6 y = f(x)tai diém c6 hoanh do bang 1 Ia

A y=2x+2. B.y=4x-6. C.y=2x-6. D.y=4x-2.

Cho f(x) la ham s6 chan, lién tyc trén R théa mén jolf(x)dxzzms va g(x) la ham sé lién

tuc trén R thoa mén g(x)+g(—x) =1,vxeR. Tinh tich phan I = J‘_llf(x)g(x)dx :

A. 1=2018. B.Izw. C. [=4036. D. I=1008.

2
Cho ham s6 f(x) lién tuc trén R thoa man f(x)+ f(-x)=~2+2cos2x,VxeR . Tinh tich

3

phan I = j. f(x)dx

2

A [=-6. B. I1=0. C.1I D. I=6.
Cho ham s6 y= f(x) lién tuc trén {—% %} va thoa man 2f(x)+ f(—x)=cosx. Tinh
2
I= | f(x)dx.
3
A [=-2. B.I:z. C.I:E.. D.I=2.
' 3 2
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Cau 9:

Céu 10:

Cau 11;:

Cau 12:

Cau 13:

Cau 14:

Céau 15;

Cau 16:

Cho ham s6 y = f(x) lién tuc trén[ -2;2] va théa man 2 f(x)+3f(-x) =

I= j.f(x)dx.

AT=-=. B. I=——, C.l==. D.1=2.
10 20 20 10
Cho ham s6 y = f(x) lién tyc trén[ 0;1] va théa man x*f(x)+ f(1-x) =2x—x*. Tinh tich phan

1

=If(x)dx.
0
A.I:l. B.Izé. C.Izg. D.Izé.
2 5 3 3

Cho ham s6 f(x) lién tuc trén doan [0;1] va thoa man 2f(x)+3f(1-x)=+1-x*. Tinh tich
phén I = I:f(x)dx

A — B. — C.

. D.
20° 16

SR

z
.

Cho ham s6 y = f(x) lién tuc trén R. Biét J]f(t)dtZXCOS(ﬂx). Giatri cua f(4) la

0

A f(4)=1. B. f(4)=4. C. f(4)=

I

> D. £(4)=

Chohamsé y = f(x) lientyctrén R . Biét xff(t)dtze"z +x*~1 voi VxeR.Giatricua f(4)
la
A f(4)=e"+4. B. f(4)=4e". C. f(4)=¢"+8. D. f(4)=1

X

Cho ham sb f(x) lién tuc trén doan [a;+0) v6i a>0 va théa mén j t(t) t+6=2x Vi

a

x>a.Tinh f(4)
A f(4)=2. B. f(4)=8. C. f(4)=4 D. f(4)=

Cho ham sé f(x)>0, xéc dinh va c6 dao ham trén doan [0;1] va thoa man

g(x)= 1+2018jf t)dt va g(x)=f2(x). Tinh IQ/ ) dx

A, 1011 g, 1099 c. 2019 D. 505.

2 2 2
L . ) 1 L 1 , 1 )
Cho ham so f(x) lién tuc trén doan E;2 thoa man f(x)+f| = |=x>+—+2 .Tinh
X X

2 f x
:-!xz(+)1dx

A.I:E. B. I=2. C.I:E. D. I=3.
2 2
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Cau 17;

Cau 18:

Céu 19:

Céu 20:

Céu 21:

Cau 22:

Céau 23:

Céau 24:

Cau 25:

Cau 26:

2
Cho ham so f(x) lién tyc trén R théa man f(x3+x):x2—1. Tinh I:If(x)dx?
0

AT=-2. B.I-2. c.1--2. D.1=-2.
5 16 5 16

10
Cho ham s6 f(x) lién tuc trén R thoaman f(x*+2x—2)=3x—1. Tinh I:J'f(x)dx?
1
A [=—. B.I=2. C.Il=—. D.I=§.
4 4
2
Cho ham s6 f(x) lién tuc trén R théaman f(x*+1)=2x-1,vxeR. Tinh I = [ f(x)dx?
0
5
A I1=-2. B.IZE. C.I=-4. D. I=6.

5
Cho ham s6 y =f(x)th6a man f(x3 +3x+1):3x+2,‘v’xeR. Tinh I:jxf'(x)dx
1

AT=2. B. 1= c.1=3 D. [=-1761.
1 1 1

. Cho ham sé y=f(x) lién mctmn(m+w)ﬂwanﬁnf@#+ﬁ+x—gz_%q. Biét
X

21

I:jf(x)dx:%—lng véi a,b,c,de N va %,2 1a cac phan so toi gian. TinhT =a+b+c+d.
2

A. T =243, B. T=306. C. T=312. D. T=275.

Cho ham s6 y=f(x) lién tyc trén (0;+w) théa man f[x—l+1j=1 . Biét
X X

5
2
I dx_—+lnc voi a,b,ceN" va E la cac phan s téi gian. Tinh T=a+b+c.
1

A . T=13. B. T=69. C.T=96. D. T=88.
2
Cho ham so f(x) lién tuc trén R théaman f°(x)+ f(x)=x,vxeR. Tinh I:jf(x)dx

1

A T=2. B.1-3. C.l= D I=
2 2

o o

5
Cho f(x) lién tuc trén R théa mén 2f3(x)—3f2(x)+6f(x)=x,VerR . Tinh Izjf(x)dx
0
AT=>. B.1=2. c1=2. D.1=2.
4 2 3

1
Cho f(x) lientyctrén R théaman x+ f°(x)+2f(x)=1,vx € R. Tinh tich phan I = J'f(x)dx

AT=". B.1=". c.r=2. D.1=2.
1 2 3 1

2
Cho f(x) liéntyc trén R théa man 2x+ f°(x)+ f(x)-4=0,vxeR . Tinh I=_[f(x)dx
1
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Cau 27:

Cau 28:

Céu 29:

Cau 30:

Cau 31:

Cau 32:

Céau 33:

Céau 34:

Céau 35;

AT=3. B.I=1. c.1=2. D.1=2.
4 2 3 3
7
Cho ham s6 y = f(x) théaman x— £*(x)— f(x)+3=0. Tinh I = [xf'(x)dx
a
AT=2. B.1=21 c.1=2. D. 1=,
4 4 4 4
Cho ham s6 y = f(x) lién tuc va nhan gia tri duong trén [0;1] biét f(x).f(1-x)=1Vvoi
1
R dx
Vxe|0;1|. Tinhgiatricta [ = |———
[ ] -([1+f(x)
A.E. B.l. C. 1. D. 2.
2 2
Cho ham s6 y = f(x) lién tyc trén R, taco f(x)>O0va f(x).f(2018-x)=1. Gia trj cia tich
2018 dx
phan [ = | ———.
;[ 1+f(x)
A. [ =2018. B. [=0. C. I=1009. D. I =4016.
Cho ham so f(x)liéntyctréntap R, tacod f(x)>0wa £(0).f(10—x)=9. Gia trj cua tich phan
12
I= ;dx.
723+f(x)
A1=2 B.1=2 c.1=2. D.1=2
3 3 6 3

3
Cho ham s6 y = f(x)lién tyc trén tap R va thoa man f(4—x) = f(x). Biét _[x.f(x)dx =5.Tinh
1

tich phan Js'f(x)dx.
1

11

A, B. .. c. 2. p. 11
2 > 2

N |1

4
Cho ham s6 y = f(x)lién tuc trén tap R va théa mén f(x)— f(3-x)=0. Biét [x.f(x}x=2.
O
4
Tinh tich phan [ f(x)dx.
3

A B. % C. é D.
3 3

N | G
]G

Cho ham sé £(x) théa mén £(2) = ‘% S F0 =22 f0)] VxR, Gidri cua £(1) la

A =0 B. 2. c. . D. 2.
36 3 36 5

Cho ham s f(x) thoa mén £(2) = —% i f()=x[ f(x)]2 ,VxeR..Giatri caa f(1) la

a B. 2. c. 2. D. 7.
6 3 9 6

Cho ham s f(x) thoa mén £(2) = —2—15 F(0)=4¢[ f0],VxeR.. Gid tri caa £(1) Ia
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Cau 36:

Cau 37:

Cau 38:

Céu 39:

Céau 40:

Cau 41;

Cau 42;

Céau 43:

Cau 44:

— B. L. c. A D. .
400 10 400 40
Cho ham s6 f(x) théa man f(2)=—é va f'(x)=x3[f(x)]2 véi moi xeR . Gidtrj ciia f(1)
bang :
—i. B. - 71 C. - 2 D. —é.
35 20 20° 5
Cho ham s6 y = f(x) xéc dinh va lién tyc trén R théa man dong thoi cac diéu kién f(x)>0
véimoi xeR; f'(x)=—¢".f(x), vxeR va f(0) :%. Tinh gia tri cua f(In2).
2 2 2 1
A f(In2)==. B. f(lnz):—g. C. f(In2)==. D. f(In2)==.
Cho ham s6 y = f(x) c6 dd thi (C), xac dinh va lién tyc trén R théa man dong thoi cac diéu
kién f(x)>0, VxeR f'(x)z(x.f(x))z, VxeR va f(O)zZ. Phuong trinh tiép tuyén tai
diém c6 hoanh do x =1 cia do thi (C) la
A y=6x+30. B. y=-6x+30. C. y=36x-30. D. y=-36x+42.
Cho ham sé y = f(x) ¢6 dao ham va lién tuc trén doan [—1 ; 1], thoa méan f(x) >0,VxeR va
f(x)+2f(x)=0.Biét f(1)=1 tinh £(-1).
A f(-1)=e>. B. f(-1)=¢. C. f(-1)=¢". D. f(-1)=3
Cho ham s6 y = f(x) théaman f'(x).f(x)=x*+x*. Biét f(0)=2.Tinh f*(2).
313 332 324 323
A fi(2)= B. f2(2)=E. C. f2(2)=ﬁ. £(2)=
Cho ham sé vy =f(x) c6 dao ham va lien tuc trén doan (0;+ ) . biét
F(x)+(26+4) £ (x) =0, £ (x) > 0,vx e R, f(2) = Tinh £(1)+ £(2)+ £(3).
L B. 1. c. D. ~.
15 15 30 30
Cho ham s f(x) xac dinhvalién tyc trén R. Biét f°(x).f'(x)=12x+13 va f(0)=2.Khidé
phuong trinh f(x)=3 ¢6 bao nhiéu nghiém
A 2. B. 3. C.7. D. 1.
Cho ham s6 f(x)#0 thoa man diéu kién f'(x)=(2x+3)f*(x) va f(0)=—— Biét rang tong
F(1)+ £(2) -+ £(2017)+ £(2018) =7 véi a7 va beN' va - la phan s6 téi gian. Ménh
dé nao sau day ding
A.g<—1. B.%>1. C. a+b=1010. D. b—a=3029.
Gia st ham s6 f(x) lién tuc, nhan gid tri duong trén (0;+o) va théa man
f(1)=1,f(x)=f'(x)¥3x+1 véi moi x >0. Ménh d& nao sau dy diing?
A 4<f(5)<5. B. 2< f(3)<3. C.3<f(5)<4. D. 1< f(5)<2
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Cau 45: Cho ham s6 f(x) xic dinh, c6 dao ham, lién tuc va dong bién trén [1;4] théa man

Céu 46:

Cau 47:

Cau 48:

Cau 49:

Céau 50:

Cau 51;:

Céu 52:

Céau 53:

x+2xf(x) = [f'(x), Vx e[1;4], f(1) = % .Giatri f(4) bing

AL B. 2o c. 31 p. 271,
18 18 18 18

Cho ham sé f(x) khong am théa man didu kién f(x).f'(x) = 2xy f2(x) +1, f(0) = 0. Téng gid tri
I6n nhat va gia tri nhé nhét caa ham sé y = f(x) trén [1;3] bang

A. 22, B. 411 ++/3. C. 20+4/2. D. 311 +4/3.

Cho ham s6 f(x) c6 dao ham va dong bién trén R théa man f£(0) = 1;( f'(x))2 =e".f(x),VxeR

1
. Tinh tich phan [ f(x)dx bing
0

A e-2. B.e-1. C.e*-2. D. e’ -1.

Cho ham sb f(x) lién tuc trén doan [0;1] théa mén f(x)=6x2.f(x3)— 36 = Tinh
X+

1

If(x)dx

0

A. 2. B. 4. C. -1 D. 6.

Cho ham s6 f(x) lién tyc trén doan [0;1] théa man 4x.f(x2)+3f(1—x)lel—x2 Tinh

if(x)dx

D. =

AL B. ~. c. =, .
4 6 20 16

2
Cho ham so f(x) lién tuc trén doan [0;2] theaman f(x)+ f(2-x)=2x. Tinh jf(x)dx
0

1 c. D. 2.
> 3

Xét ham s6 f(x) lién tuc trén doan [—1,2] va thoa man f(x)+2xf(x2 —2)+3f(1—x)=4x3

A. 4. B.

2
Tinh gia tri tich phan I = _[f(x)dx.
|

A =5, B.I=; C.1=3. D. I=15.

Xéthamsé f(x) lién tuc trén doan [-1,2] vathéaman f(x)=+x+2+xf(3—-x*). Tinh giatri
2

tich phan 1= [ f(x)dx.
|

A.I=1—4. B,[:E_

c.r=4 D.I=2.
3 3 3

Xét ham s6 f(x) lién tuc trén doan [0,1] va théa man f(x)+xf(1—x2)+3f(1—x):%.
x

1
Tinh gia tri tich phan I = [ f(x)dx.
0
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Céu 54:

Cau 55:

Céau 56:

Céau 57:

Cau 58:

Céau 59:

A.I=21n2. B.I=21n2. C.I:é. D.Izg.
2 9 3 2
3
Cho ham s6 y=f(x) va thoa man f(x)-8xf(x*)+ i =0 . Tich phan
x +1

1
I:jf(x)dx: a_b\/zvéi a,b,ceZ va E;Q t6i gian. Tinh a+b+c

: c cc
A. 6. B. 4 C. 4. D. -10.

. Biét

Cho ham sb lién tuc trén doan [-In2;In2] va thoa man f(x)+ f(-x)=
e’ +1

In2

J' f(x)dx=aln2+bIn3 véi a,beQ. Tinh gidtricua P=a+b

—In2

A.p:%. B. P=—2 C.P=-1. D. P=2.

Chohamsé y = f(x) codaoham liéntuctrén R, f(0)=0 va f(x)+f[§—xj = sinxcosx Voi

3
VxeR . Gia tri ciatich phan [ xf'(x)dx bing
0

1

A Z. B. 1. c.z. D. ——.
4 4

4 4
2

Cho ham s6 f(x)lién tyc trén R va thoa man f(1+2x)+f(1—2x)=2x—1,VxeR. Tinh tich
X+

3
phan I = If(x)dx
|
A 1=2-Z B.1=1-Z. C.1==-2, D.1=2.
2 4 2 4
Cho ham s6 y=f(x) x4 dinh va lien tyc trén R\{0} va thoa man

{
2 (x) + (2~ 1) £ (x) = xf(x) -1 Vi VxR \[0} va £(1)=-2. Tinh j f(xp.

A —Llino. B. -2 _n2. c.-1-n2 p, -3_In2
2 2 2 2 2
Cho ham sé f(x) ¢6 dao ham va lién tuc trén doan [4;8] va f(O);tO VoI Vxe[4;8]. Biét
. a[r)] 1 1
rang dx=1va f(4)=—,f(8)==. Tinh f(6).
A.é. B.z. C.E. D.l.
8 3 8 3
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BANG DAP AN

1.A 2.C 3.C 4.A 5.D 6.A 7.D 8.B 9.C 10.C
11.A | 12.b | 13.C | 14.B | 15.A | 16.A | 17.D | 18.C | 19.A | 20.C
21.B | 22.A | 23.D | 24B | 25.A | 26.D | 27.C | 28.B | 29.C | 30.D
31.A | 32.C | 33B | 34B | 35.B | 36.D | 37.D | 38.C | 39.C | 40.B
41.D | 42.A | 43.D | 44C | 45.A | 46.D | 47.B | 48.B | 49.C | 50.D
51.C | 52.B | 53.B | 54.A | 55.A | 56.D | 57.A | 58.A | 59.D

HUONG DAN GIAI CHI TIET

Caul: ChonA
Déttzlzxz%khidétréthénh: f( j f():—:>2f( )+ f( J

3.
X X

Hay 4f(x)+2 fej _ g két hop véi didu kien f(x)+2 f(%j 3.

Suy ra: 3f(x)=g—3x:Mz%—l:lzjf(x)dx j(——l}zx—(‘—z—xj

2

3
2

x x 1 x 1

N

Cau2: ChonC

Céch 1: Ap dung két qua cua dang 3, ta co:
29(x)-3¢g(1-x) 2x1-x-3(1-x \/;
2 (x)+3f(1-x) = x1-x = g(x) = f(x) = il >2_g3( )_ _5( Nx

12x1—x — 3( )\/_ casio 4
75

Suy ra: = ff x)dx = | - dx = 0,05(3) = —

0

Cach 2:
Vé6i 2f(x)+3f(1-x )=x\/1—x tacé A=2;B=0;C=3.

Suy ra: jf(x) J‘xﬂdxaio() 05( ) 4

75

Céch 3:
Tir 2f (x)+3f(1-x)=xv1- xbsz dX+3ff1 x)dx = fxﬂdxw—qwo 2(6)= 145(*)

bPait u=l-x=du=-dx; V6 i x=0=u=1vax=1=u=0.

Suy ra jf(l—x)dx = jf(u)du = jf(x)dx thay vao ta dugc:

i 4 ¢ 4
5_([f(x)dx=ﬁ<:>_([f(x)dx=7—5

Cau3: ChonC
Céach 1:

Ap dung hé qua 2: A.f(x)+B.f(—x)=g(x)= f(x)= A(:CI)S g(x)1a ham chén.
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Cau 4:

Cau 5:

Cau 6:

Cau7:

Taco: f(—x)+2018f(x)=2xsinx = f(x)= Z;Si;;x
% 2 % casio 4

= J;f(x)dx =~ 5019 J;xsmxdx =~ 019"
2 2

Cach 2:
Vé6i f(—x)+2018f(x)=2xsinx v&i A=1;b=0;C=2018.

s

2 1 2 casio
Suy ra 2xsinxdx = ——.
Y I”f(x) 1+2018-[[ ST
) )
Chon D
Cach 1:

Ap dung hé qua 1: A.f(x)+b.f(—x)=g(x)= f(x)= A-g(z); B; (—x) _
N f(x) _ 2018¢* —¢™*

Taco: f(- =
aco: f( x)+2018f(x) e 201871

casio

1
2019 2017 -fl( 018¢" —¢ ™ )dx ~ 1,164.10™ =

:>I='1[1f(x)

Céch 2:
Vé6i f(-x)+2018f(x)=e¢" tacd A=1;B=0;C=2018.

1

-1
2019¢

1 1
Suyra [f (x)dx_1+zo1 Il = 2019

-1

Chon D
Ap dung két qua dang 3, c¢6 2f(2x) + f(l —2x) =12x% = g(x)

235 oo sty

= x)= = x2 +2x—1.

-2 3
f(l) =2 - 4y | £ A A 1A 1s.

Suy ra f (1) L Khi do, phuong trinh tiép tuyén can lap la: y =4x-2.

Chon A

Ap dung Hé qua 2 :

A.g(x)+ B.g(—x) = h(x) - g(x) -

Ta co: g(x)+g(—x)=1=h() g() 111 ;

Két hop véi didu kién f(x) 1a ham s6 chén, ta co:

hlx)
A+

5 Voi h(x) 12 ham s0 chin

1
1=[ F(¥)g(x)x =2 [ F(x)ax = [, f(x)dx =2018.

Cha : Néu f(x) 1a ham s6 chan, lién tuc trén [—a;a] thi [* f(x)dx =2 f(x)dx
Chon D

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 10



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cach 1:

Ap dung hé qua 2: A.f(x) + B.f(—x) = g(x) = f(x) = % voi g(x) 13 ham sb chin

Ta co: f( )+f(—x)—\/2+2c052x:>f( )= V2Z+2cos2x |cosx|

2

3z 3z

Casio

=1= j f( dx— I|cosx|dx =6

2 T2

+f
3z 3z 37
2 asio
=1= Lf(x)dx=1lj !.”\/2+2c052x X = Iﬁ|cosx|dxc— 6
T2 T2 2
Cach 3:
Tu f(x)+f(—x)=\/2+2cos2x
3z 3i 3z 3z
2 asio
= J. f(x)dx+ I f dx— J. \V2+2cos2xdx = J.2|cosx|dxc— 12 (*)
_37” _37” T2 T2
bat u=1-x=du=-dx. Véi x=—3—”—>u=3—ﬂ;x=3—”—>u=—3—”
2 2 2 2
3 3 3r
2
Suy ra If(—x)dx: J. f(u)du: If(x)dx
37z 3z

Thay vao , ta duoc: fo dx 12 & If(x)dx=6.

2 2
Céu8: ChonB
Véi 2 f(x)+ f(-x)=cosx tacO A=2;B=0;C=1.

Suyra: [ = J% f(x)dx =

2

Cau9: ChonC

1

2
cosxdx =—.
2+1 3

ol 1

Vi 2f(x)+3f(—x) =

1 ~.taco A=2;B=0;,C=3.
x

> =0, 157 ~ ..
20

Suyra: [ = If(x)dx _ZL_Z[

Céau 10: Chon C
batt=1-x=x=1-t.
Khi do x*f(x)+ f(1-x)=2x-x" < (1-t)’ f(1-t)+ f(t) =2(1-t) - (1-t)*
S (P -2t+1)f(1-t)+ f(t)=1+2t —6t> +4t° —t*
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Hay (x*-2x+1)f(1-x)+ f(x)=1+2x—6x" +4x> —x* (¥)

Tur diéu kién: x° f(x)+ f(1-x)=2x—x* = f(1-x)=2x—x* —x* f(x) (**).

Thay vao ta  duge: (¥ —2x+1)[ 2x—x* —x’f(x) |+ f(x) =1+2x—6x + 42 —x*
S (1= +2x° —x*) f(x) =x° =2x° +2x° - 2x7 +1

S (1= +2x" —xN) f(x) =(1-2*)(1-x" +2x° =x*) = f(x) =(1-x%).

Suy ra: 1=£f(x)dx=£(1—x2)dx=§.

Céu 11: Chon A

Taco 2f(x)+3f(1-x)=v1-2* = [ 2f(x)+3f(1-x)dx = [ V1-2*dx.

Xét J.:\/l—xzdx dat x =sint khi déj:xll—xzdx=Iozcosztdt=%J5(c052t+1)dt =%,(1).

Xét [[2f(x)+3f(1-x)dx=2[ f(x)dx+3[ f(1-x)dx,(*).

Pjt 1-x=t khi do [ f(1-x)dx=] f(f)dt . Do tich phan c6 tinh chit bt bién nén

[ f(t)dt = f(x)dx.Khido (*) tro thanh [ 2f(x)+3f(1-x)dx =5[ f(x)dx,(2).

Tir (1),(2) tacé 5J.01f(x)dx =%:> J.Olf(x)dx =—
Céu 12: ChonD

u(x)

f(t)dt] = u'(x)f(u(x))—v’(x)f(v(x)).

Ap dung cong thic [

o(x)

!

Tacd []- f(t)dt] = (xcos(ﬂx))’ = 2xf(x2) = cos(mx)— ﬂxsin(ﬂx),(l).

Thay x =2 vao (1) tadugc f(4)=

N

Céu 13: Chon C

Ap dung cong thirc [:":f(t)dt} = u'(x)f(u(x))—v'(x)f(v(x)). Taco

[iff(t)dt} = (e"2 +x* —1)’ = 2xf(x2) = 2xe* +4x°,(1).

Thay x =2 vao (1) ta dugc f(4)=e¢*+8.
Cau 14: Chon B

u(x

Ap dung cong thuc: j (t)dt u f

/(1) t+6=(2x)

ilf)dtw:z&@ S
)t t

D C— 2
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fif) :%:f(x):x\/;.\/éy f(4)=8
Cau 15: Chon A
u(x)
Ap dung cong thc: j f(t)dt = u'.f(u)

g(x)=1+2018]£f(t)dt:>g'() 2018f(x) & g'(x) =2018,fg (x @r 2018
0 x

Suy ra: | j% dx = [2018dx ©2,[g(x) =2018x+C (*)

Tir diéu kién: g(x)= 1+2018jf (t)dt = g(0)=1 thay vao (*)tacd C=2

Do d6: \/g(x) =1009x+1. Vay N x) dx = 1009x +1je =101

Céu 16: Chon A

Pat: tzlzdtz——dx; x=%:>t=2,x=2:>t=%’

1 1 1
I=[=t 1.[—%}&:] A g [ gy
2111 t %t +1 x"+1

Céu 17: ChonD

dt = (?;x2 +1)dx

f(t)=x2—1

Poican: t=0=>x’+x=0=x=0Vat=2=>x+x=2cx=1.
casio 16

Khi d6 I=J:.f(t)dt=:[(x2—l)(3x +1)dx = -

Dbt t—x3+x:>{

Céau 18: Chon C

dt= (39(2 + 2)dx

f(t)=3x-1

Poican: t=1=> 2’ +2x-2=1ox=1vat=10=x"+2x-2=10 < x=2.
T h Casio 135

Khi do I:J;f(t)dtzj.(fix—l)(?)x +2)dx =

1

bit t—x3+2x2:>{

Cau 19: Chon A
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Nguyén ham, tich phén va Ung dung

Cau 20:

Cau 21:

Céu 22:

Cau 23:

dt = 3x*dx
f(t) =2x-1

boican: t=0=>x’+1=0cx=-1vat=2=x*+1=2<x=1.

Dit t=x3+1:>{

2 1 Casio
Khido 1= [ f(t)dt=[(2x-1)3x’dx = -2.
0

-1

Chon C

5 5

u=x du =dx 5
Dt {dv TR {v ) I=xf(x) = [ f(x)dx=5f(5)-f(1)-[ f(t)dt.

1 1
5 ; dt = (3x2 +3)dx
Pat t=x"+3x+1= .
f(t)=3x+2
Poican: t=1=x"+3x+1=1<x=0;t=5=x>+3x+1=5<x=1.
Suyra: f(5)=31+2 (x=1) va f(1)=3.0+2 (x=0).

o o | ) c 33
Khi d6 [=55-2 _([(3x+2)(3x +3)dx = <.

Chon B
dt = (4x3 +2x+1)dx
batt=x*+x"+x-1= 1
t)=——
f() x+1

Déi can: t:2:>x4+x2+x—1:2:>x:1;t:21:>x4+x2+x—1:21:>x:2(x>0).

5 21 21 29 Z 5
Ta co: I=!f(x)dx:J;f(t)dt:!m@ﬁ+2x+1)dx=!£4x2_4x+6—mjdx.

2
= [E—sz +6x—51n|x+1|)
3

1

2 3 32

Suyra a=28;b=3;c=243;d=32=T=306.

dt = (1+i2]dx
X

Chon B

Ditt=x--+1=

5 5
5 5 i 2 2
Taco: I = _Tf(x)dx = ff(t)dt = jl.[nlzjdx = Il.(1+l2jdx = j1+i3dx
1 1 1 X 1x

X X XX
1
~[nkt-5)

Chon D

:§+1n2.8uyra a=3;b=8c=2=T=13.
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bat y:f(x):>x=y3+y:>dx=(3y2+1)dy.
Poi can:

x=0=y’+y=0=>y=0;
x=2=y’+y=2=y=1.

Khi @6 1= [ f(x)dx = [y(3y" +1)dy = j(3y by)dy =2

Céu 24: Chon B
bat yzf(x):>x:2y3—3y2+6y:>dx:(6y2—6y+6)dy.
Poi can:
x=0=2y"-3y°+6y=0=>y=0;
x=5=2y" -3y +6y=5=>y=1.
cusio 5

Khido I= If dx jy6(y y+1)dy 6_[(]/ y+y)dy——

Céu 25: Chon A
bit y = f(x) :>x=—y3—2y+13dx=(—3y2—2)dy.
boi can:
x=2=-y 2y+1="2=y=1;
x=1=-y"-2y+1=1=y=0.

Khi d6 1= [ f(x)dx = [y.(-8y* -2)dy = I(3y +2y)dy 7

Céu 26: ChonD
it y = f(x) = 2x=—y’ —y+4 = 2dx=(-5y* ~1)dy.
boi can:
x=1l=-y’ -y+4=1=>y=1;
x=2=-y -y+4=2=y=0.

Khi d6 I:Jf(x)dx :Iy.(—5y4—1)dy j(Sy +y)dy =
Céu 27: ChonC

Dt u=x du = dx

A dv:f’(x)dx: v=f(x)

=1= jxf )dx = xf (x \ jf )ax=7f(7)+ f(- )jf(x)d

£(7)+£(7)-10- o©{<> z
P s(1)-2207 (1) =1

Dit t=f(x)=>x— ~t+3=0cx=t +t—3:>dx:(3t +t)dt

=

T x— f°(x)- f(x)+3=0 :>{
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Nguyén ham, tich phén va Ung dung

Cau 28:

Céau 29:

Cau 30:

Céau 31:

Cau 32:

v |x=-1=-1=F+t-3t=1
D61 can
x=7=7=t+t-3t=2
7 Casio
) 51 51 9
Khi d6 X 3+ +tdx—— Suyral=15- =15-—==.
ey oy 115 tac-15-3-3
Chon B

Céch 1: Dung cong thirc tinh nhanh dang 7

CéChZZDat:t=1—x:>dt=—dx;f(x)=ﬁt)véx=0:>t=1;x=1:>t=0
dc  todt }f(t)dt L f(x)dx
G Ey O

1
Khidél:j
o 1+

by flx)dx
:21_-([1+f(x)+£1+

Chon C
Cach 1: Dung cong thirc tinh nhanh dang 7
2018
Khidé: I= | dx 2018701509
p 1+f(x) 21

Céach 2: bat: t:1—x:>dt:—dx;f(x):ivé x=0=>t=2018;x=2018=t=0

f(t)

L _2018 dx _2018 dr _2018 (t)dt _2018 (x)dx
Knido 1= [ 757 | 1 vl Evre
£(t)

2018 2018 2018
=2I= | dx jf(x)d jdx 2018 = 1 =1009.

d 1+f(x)+ . 1+f( )

Chon D
Dung cong thue tinh nhanh dang 7

12 — =
Do do: I:.[ 1 dx=12 ( 2)=Z.
53+ f(x) 23 3

Chon A
Cach 1: Str dung c6ng thire giai nhanh dang 8:

5

Do do: X x—— —

If )d 1+3 2°
Cach2:bat t=4-x=dt=-dxvix=1=t=3;x=3=t=1.

Khi d6: 5- jx F(xpx = j( f).F(a- t)d:i(4—x).f(4—x)dx:Jj.(4—x).f(x)dx.

Suy ra: 10:Ix.f(x)dx+j(4—x dx 4If dx:>J‘f g

Chon C
Str dung cong thure gidi nhanh dang 8:
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Do do: _[f x)dx— 1;4:%.
Céu 33: Chon B
f o 1 - A C)) f(x) 2
Cach 1: Taco: f'(x)=2x| f(x) | = —=—==2x= dx = 2xdx<:>—=x +C
/o) [f(0] I [f] f)
1 fo=2 . )
:>f(x)=—xz+C = C=2.Viy f(x):—x2+1:f(1)=_§.
2
Cach 2:
, 2 fi) _ f(x) : -2
flx)=2x| f(x)| =>—= —dx 2xdx 3<:>—— —3<:>f()——.
) [f@] I [fo] 1 f@l,
Céu 34: Chon B
. ; -1 %
Cach 1: Taco: f'(x)=x]| f(x) =xdx e —=""1
ol = [f ) =l [f( >] =l f) 2
1 F@=3
= f(x)=-— = C=1.Vay f(x)=- fy=-=
*ic
2
Cach 2:
) _ _F S, F3 1 [ 2
f'(x)=x| f(x) =|lvx=—-— =3 f(1)=—.
LT = [f( T iy o] R f@) 3

Céu 35: Chon B

2 . Ao g 3 2 f'(x) 3 f'(x) 3 -1 4
Cach1: Taco: f'(x)=4x"| f(x)| = s =4x = sdx = |4xdx & ——=x"+C
el [f@)] I [f(@)] I 69
;s 1 1
:f(x):_x4+C = C=9.Vay f(x)= x2+9:>f(1)=—ﬁ.
Cach 2
CONNEI A C)) ; 1 [ -1
f(x)=4x| f(x) =4x" = sdx = |4x'dx =15 ———| =3 f(I)=—.
T = [f( )| | [ f0] I (), 10
Céu 36: ChonD
Taco f'(x)=x3[f(x)]2 = f'(x)z =x° .
[£(x)]
, . f(x) 5 1 xt
Cach 1: Tu suyra sdx = |x'dx & ———=—+C.
I £(x)] I flx) 4
1 @ 1 1 1 4
= f(x)=—— ! o= e @O fx) == f(1)= .
—+C —+1
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Céu 37:

Céu 38:

Céu 39:

Cau 40:

Cau 41:

Cau 42;

Céch 2: suy ra j[;gzdx_jxf*dxo[ 1 J _15

Chon D
Bién dbi

f(x) =—¢".f’ (x) =

Chon C

\ L e .
Bién doi #:xzzjf (x) dxzszdx:—i =
0

T f'(x)=(xf(x)) = £1(1) =(1.£(1)) =36.
Suy ra phuong trinh tiép tuyén can tim la: y = 36(x - 1) +6 < y=36x-30.
Chon C

Tacd f'(x)+2f(x)=0<

N L ];((;C))dx - i-de =N lnf(X)‘],1 =—2x‘1l o lnf(1)-Inf(-1)=—4

eInf(-1)=4< f(-1)=¢".
Chon B

Ta c6 f'(x).f(x)=x"+x’ :>If'(x).f(x)dx =I(x4 +x2)dx @%fz (x)‘é =(%+%j‘§

*(2) f*(0) 136 33

©f2( )_fz( ). 5=/ (2):1_52'

Chon D

, o S

fl(x)+(2x+4)f (x)_o@fz(x)_ 2x—4

:If'(x)dxzj‘(—Zx—él)dx@— 1 =—x2—4x+C<:>f(x)= 1
£x) f(x) P 4dx—C

.. 1 1 1 1

Véi f(2)=E:>E=—12_C:>C=—3:>f(x)=x2+4x+3.

Khi d6 f(1)+f(2)+f(3)=%+%+i=%

Chon A

T f°(x).f/(x)=12x+13= .[f6 (x).f'(x)dx = 1(12x+3)dx

=N jf6(x)df(x):6x2 +13x+C @%(x) —6x®+13x+C—02 ¢ :77.
Suyra f7(x)=42x +91x+2".

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 18



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Do d6 phuong trinh f(x)=3< f7(x)=2187 = 42x* +91x 2059 =0 (*).
Phuong trinh (*) ¢ ac <0 nén c6 hai nghiém trai dau.
Céu 43: Chon B

Bién di: /(1) =(2+3).£(x) > 2 2 3.0 [ L) g — [ 4 3)ax

f*(x) f(x)
1 = x> +3x x)=- 1 0 >C =
NayTmR +3x+C= f(x) . C=2
1 1
:f(x):_x2+3x+2:_(x+1)(x+2)'
Khi do:

1 1 1 1]

a
3" f(1)+f(2)+..+ £(2017)+ £(2018) = {2_.3 T34 T 20182019 ' 2019.2020

[1_1 N SR S S Jz_(l_ 1 ]2_1009.

2 3 3 4 2018 2019 2019 2020 2 2020 2020
Véi diéu kién a, b théa man bai todn, suy ra a =-1009, b =2020 = b—a = 3029.

Céu 44: ChonC

Céach 1:

aco f(x)=f"(x)V3x+ @f’(x) f dx

Tacd flx)=fx)rrle Ty = mmm e ar=l gy

& jdg—&)):% [(3x+1)2 d(3x+1) = n f(x):gx/3x+l+C<:> f(x)=e T

4 2 4 4
Khids f(1)=1ee’ =1eC =—§3f(x) D = f(5)=¢>~3,79¢(3;4).
Céch 2: Véi diéu kién bai toan, ta c6

B RN e PG

fx) B+l
G P (x) s f(5)
:Jl.f(x)dx—.!. 3i+1dxc>1f(x)—§c>1nf(x)l—§ 1nm_§

= f(5)= f(1).e§ ~3,79€(3;4).
Cau 45: Chon A
Taco: x+2xf(x) =[f'(x)] © x(1+2f(x))=[f'(x)]

[f'Cr _ fix) f& p)
T 1r2f() x:>4/1+2f(x I,/1+2f(x T N_x

@«/1+2f(x)‘4:%<:> 1+2£(4) - 2_134 f(4):%

f) dx:\/1+2f(x)‘ = Jl+2f(4)-2 thita
1 1+2f(x) 1

c6 thé str dung ki thuét vi phan hodc dbi bién .

Vi phén
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Nguyén hc‘)m tich phén va L’mg dung
1
LACp. _1j(1+2f(x))z d(1+2f(x))

I‘/1+2f '[1/1+2f(
:\/1+2f(x)‘1 = J1+2f(4) -2
D6i bin: Dat t=(1+2f(x) = 2 =1+ 2f(x) < tdt = f/(x)dx

Véi x=1=t=1+2f(1) =2 x=4=t=[1+2f(4)

JI+2£(4)
. a, tdt 2@
Khidé 1= | T=t2 = J1+2f(4) -2

2

Cau 46: Chon D
Tacod f(x).f'(x)=2xy f(x)+1 @M:2x

V() +1

J.\/;x)(x%dx J.Zxdx<:>w/f2(x)+1 =x>+C

Véi f(0)=0=1=C=/f (x)+1=x"+1< f3(x) =x* +2x" = g(x)
Tacd ¢'(x)=4x"+4x>0,Vx e[1;3]

Suy ra g(x) dong bién trén [1;3]
f(x)=0

Suy ra g(1) < g(x) = () <g(3) ©3< FA(1) <9 = J3< f(x <311
= min f(x) = /3;max f(x) = 3V11.
Vay tong gia tri 16n nhét va gia tri nho nhat ciia ham s y = f(x) trén [1;3] bang 3J11++3

Céu 47: ChonB

Taco (f'(x))2 =e'.f(x) & (fj;((x))) =e' & f'(x) =\e' < J‘f'(x) dx = J‘\/exdx
x
FO)=1

< [(f) de(x) j2dx@2 fx) = 2ex+c—>c 0= /f(x) —ez<:>f(x)—e

=e—1

1 1
Suy ra If(x)dx = Je"dx =e" .
0 0

Céu 48: Chon B

f(x)=6x2.f(x3)—\/35T :>I=if(x)dx=2I(3x2.f(x3)—\/;1jdx=A—B

1
Goi A= 2j3x2.f(x3 ﬁx. bit t =x° = dt = 3x°dx
0

Pdicin x=0=t=0;x=1=t=1
1 1
=2jf(t)dt=2jf(x)dx=21

1
[=21-B=1=B=6[—dx=6 (3x+1);.%.d(3x+1)=2.2.\/3x+1‘é=4.

V3x+1 0

Céu 49: Chon C
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4x.f(x2)+3f(1—x)= 1-x°
<:>2.j2x.f(x2)dx+3jf(1—x)dx=j‘\/1—x2dx<:>2A+3B=j 1-xdx(*) Azj‘Zx.f(xz)dx

0

1 1
Piat t=x>=dt=2xdx; x=0=t=0;x=1=t=1 Azjf(tﬁtzjf(x)dx

B=

o'—,»—n

f(l x)dx bit t=1-x=>dt=—dx;x=0=>t=1,x=1=t=0B= _[f jf(x)dx
(*)©2If(x)dx+3jf(x)dx=J‘\/1—x2dx<:>5.ff(x)dx=J.\/1—x2dx

Bét:x=sint:>dx=costdt,te(—% %}x 0=t=0,x= 1:>t—§

NN

T
1 2t 1. — A
:_[\ll xdx = Hl sin’t .costdt = J.idt—— (t+Esm2tJ 2 =% Vay

o

Céu50: ChonD

f(x)+f(2—x)=2x<:>j;f(x)dx+§f(2—x)dx=:[2xdx
@If(x)dx=—jf(2—x)dx+i2xdx

Dit: t=2-x=dt=—dx . Doibin:x=0=>t=2,x=2=1t=0

2

if(Z—x)dx = ff(t)dt = [ f(x)dx . Do d: ij(x)dx = xz‘i =4. Vay: Jz.f(x)dx =2

0

Caub51: ChonC
f(x)+2xf(x2 —2)+3f(1—x)=4lx3

= jf(x)dx+ J%Zx.f(xz —2)dx+3ff(1—x) = j4x3ds =15(%).

Dét_lu:x2—2:>du=2xdx;vdi xi—1:>u=jl;x=2:>u=2.

Khi d6 jzx. f(x* —2)dx = f f(u)du= j f(x)dx(1).

bat t:;—x:dtz—dx;v;i x:—1:;115=2;x=2:t=—1.

Khi d6 jf(l—x)dxz jf(t)dt = jf(x)dx 2

4 & %

Thay (1),(2) véo () ta duge 5] f(x)dx=15= [ f(x)dx=3.

Cau52: Chon B i i

f(x)—xf(?)—xz):m:j;f(x)dx—j;xf(S—xz)dx:iﬁdx:%(*).
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Céu 53:

Céu 54:

Pit u=3-x>=du=-"2xdx;véi x=-1=2u=2x=2=u=-1.
2 2 2

Khi d6 J-xf(l—xZ)dx:%If(u)duzéjf(x)dx(Z)
e} ] e}

Thay vao (*) ta dugc if(x)dx—%fff(x)dx =% & j.f(x)dx =%.

Chon B
f(x)+xf(1—x2)+3f(1—x)=ﬁ

= _([f(x)dx +ixf(1—x2)dx+3if(1—x)dx = i% =Infv+1] =In2(x)
Piat u=1-x*=>du=-2xdx;véi x=0=>u=Lx=1=u=0.

Khi d6 j;fo(xz ~2)dx = %j;f(u)du - %:[f(x)dx(l).
Pitt=1-x=dt=—dx;véi x=0=t=1x=1=1=0.

Khi d6 jf(l—x)dx :jf(t)dt = Jl'f(x)dx(z) :

Thay (1;(2) Vao (*) :a dugc O

if(x)dx+%j:f(x)dx+3j;f(x)dx =ln2= %if(x)dx =ln2< j;f(x)dx = gan :

Chon A
Cach 1:.

o ¥ x> .
Bién doi: f(x)—8x3f(x4)+m=0<:>f(x)_2(4x3)f(x4):_ 241 Vol

A=1,B=-2;,C=0.

1 1 !
Ap dung cong thirc ta c6: [ f(x)dx = 1+(1—2)I_\/ f+1r]y=j\/ f+1dy'
0 0 X 0NX

x=0=>t=1
Pit t =vx* +1=t* =x* +1 = tdt = xdx; voi )
x=1:t=x/§
Khi d6
L Loy Rp_qo 2 £ 5 2-J2a-p\2
= xdx= | ——tdt = | (> =1)dt =——t| =——= )
e e b ey
Suyraa=2b=1c=3=a+b+c=6.
Cach 2:
. x3 1 1 1 x3
Tu f(x)—8x3f(x4)+\/m:0<:>!f(x)dx—2£4x3f(x4)dx+!mdx:0(*).

Pit u=x* =>du=4xdx; véi x=0=>u=0;x=1=u=1.

Khi d6 j4x3f(x4)dx = jf(u)du = jf(x)dx thay vao (*), ta dugc:

(o2 oo |- oo | i
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x=0=t=1

Dit t =vx* +1=t* =x* +1 = tdt = xdx; voi .
x=1:t=x/§

Khi @6
1 1 2 2 2 N s
If(X)dX=_[ = xdx = .[ ! _1.tdt= I(tz_l)-dt—t——ﬂj— 2-\2 a—b\/z
0 oNx+1 Tt 1 3 -
Céu 55: Chon A

Cach 1: Dung cong thirc dang 2

T f(x)+f(- )=ﬁ Tacé A=1;B=1,C=0.

In2 In2 In2
Suy ra _[ f(x)dx:L ax__1 ax

X X
s 1+1;,e"+1 2;,e"+1

Céch 2: Dung cong thirc ddi bién sd.

Tir f(x)+ f(=x)=— +1:> jf x)dx + j f(=x)dx = j e ("):

bat u=—x=du=—-dx; V6i x=-In2=u=In2; x=In2=>u=-1In2.

In2 In2 In2
Suy ra _[ f(—x)dx = J. f(u)du = I f(x)dx thay vao (*) , ta dugc:
In2 o In2 o In2 o 1 In2 1
2 x)dx = dx = dx i
-1'1[2f( ) —1’[26 +1 _1'[2f 2 7. +1

bat t=¢* = dt =e*dx; Voi x=—1n2:>t=1;x=ln2:>t=2.

In2 In2

Suy ra I dx— J. — _dx= j. dt —ln| t |2 =In2
y 13 e (e +1) lt(t+1)_ 5T P——
2 2

In2 1 - 1 1

Khidé [ f(x)dx=—In2=aln2+bIn3—"<5a=_;p=0=P =
2 2 2

—In2
Céu56: ChonD

Cach 1:

Vi f(x)+f(§—x}=sinxcosx tacOo A=1,B=0;C=1.
2 1 2 1

Suy ra x)dx = ———|sinxcosxdx =——.

y !f( ) 1+1-([ 4
Cach 2:

T

Tu f( )+f(5—xJ—smxcosx:>j‘ dx+J.f(——xj x:j‘sinxcosxdx:

ISIE

N =
—
X
N—

bat u=£—x:>du=—dx;x=0:u=£;x=£:>u=0.
2 2 2
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Cau 57:

Céau 58:

Suy ra If[——xjdx If j.f(x)dx thay vao (*), ta duoc:
2 D” u=x du=dx
;[ at dv:f'(x)dx:> v=f(x)’

j F(x)dr == f(ﬁj_i £(x)dx

O‘—aN\N
I\)I.—\

of(x)dx = f ()

=

O'—.Nm

f(ﬁ
T diéu kién f(x) + f(% - xj = sinxcosx = 2

Thay (1),(2) véo (*), ta duge [af(x)dx =

Chon A

Dt t=1+2x=1-2x=2—t VA xz%, khi dé didu kién tré thanh:

t-1
f<t>+f<z—t>u:mw(z—f)ﬂaf(x%f@—x)ﬂ(*)-

[t_ljz t* =2t +5 x*=2x+5
— | +1
2
Céch 1:
Véi x*—2x+1 .
01 f(X)+f(2 X) m,taco A=1,B=1
1 1 o —2x+1, oz
Suyra._[f(x) x+1j1 — o e0429=2-7.
Céch 2:
‘ , ?—2x+1 x -2t
Tir (x), 1 co: f(x)+ f(2-2)= 5= jfx)dx+jfz x)dxj ().

bit u=2-x=du=—dx,Véi x=-12u=3vax=3=u=-1.

Suyra [ f(2-x)ix = j F(uptu= j £(xYtx thay vao (). ta duge:

2if(x)dx=ix2_2x+1 jfx)dx——j ro2xrl, ~0,429:2—%.

St -2x+5 —-2x+5

Chon A
Bién doi x° £ (x)+2xf (x)+1= f(x)+xf'(x) = (xf(x) +1)2 = f(x)+xf'(x)(*).
bit h(x)=xf(x)+1='(x)=f(x)+x.f'(x), Khi d6 (*) c6 dang:
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: 7 (x) Wix), _ h(x) _ _

h(x)—h(x):hz(x) Ihz(x)dx—jdeJ. 2(x)—x+C<:> ) x+C

:h(x):—xiczxf(xﬁl:—xic S0 —2+1:—+C:C:0

Khi d6 xf(x )+1———:f(x)=—i2—— Suy ra j'f(x)dx:j'_lz_%d 1 40
Cau59: ChonD

G S pdfx) 1

Xet dx = - — =—(2-4)=2

re e Aw Y

Goi k 1a mot hing s6 thyc, ta s& tim k dé i( j: 2'(("))+k] dx=0

Taco:

[ de S[f(x)] dx +2 (f) dx kzgdx=1 ak +4K = (2k+1)’
ﬂf(x) ![(x)] +£ (ry e kel (k1)
1T (X) f'(x)_l "f’(x) 1

Suy ra k= thi !{ﬁ(x) ]dx o@f (x)—Ecifz(x)dx—Eldx
@jdf(x dx 1@i—i=1@4—izlcf(6)=1.
:F (%) f(4) £(e) f(6) 3
Chay: if dx =0 khong dugc phép suy ra f( ) 0, nhung ika(x)dx:OQf(x):O
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m Tich phan ham an phan 2

Céau 1.

Cau 2.

Cau 3.

Céau 4.

Caub.

Cau 6.

Cau7.

Céau 8.

Cau 9.

Cho ham sb f(x) xac dinh va lién tuc trén doan [4;b]. Khi d6 tich phan I =.|.bf(x)dx tuong
ung voi
b b b b
A. I fla+b—x)dx. B. I fla+b+x)dx. C. —J. f(a+b—-x)dx. D. I f(x—a+b)dx.
Cho ham s6 f(x) xéc dinh va lién tyc trén doan [0;3 ] va cd tich phan ij(x)dx =8. Gia tri
, A 3 N
cua tich phan I=J'0 f(3—x)dx tuong ng bing
A. 11. B. -8 C. -11. D. 8.

Cho ham s6 f(x) xéc dinh va lién tuc trén R va théa man f(x)+ f(3—x)=x’ —3x+§ V6i

4
Vx e R. Gia tri cua tich phan I = jf(x)dx twong ing bing
|

A 2 B. 30, c. 3L, p.
5 4 2 6
Cho ham sé f(x) va g(x) xéac dinh va lién tyc trén R va thoa mén 2f(x)+3f(2-x)=g(x)
1 2
véi Vx e[0;2]. Biét rang tich phan J'f(Zx)dx =-3. Gia tri cua tich phan jg(x)dx twong g
0 0

bang
A. -15. B. 6. C. -30. D. 12.
Chohamsé f(x) va g(x) xacdinhvaliéntyctrén R thoaman hé thuc f(x)— f(4-x)=g(x)
3
véi x €[ 1;3]. Gia trj cua tich phan Ig(x)dx tuong tng bang
1
A 4. B.0. C. 1. D. 2.
Cho ham s6 f(x) va g(x) xac dinh va lién tyc trén R thoéa méan 3f(x)- f(3-x)=g(x) va
2
f(x)+2f(3-x)=3x"+1 véi [1;2]. Gid tri cua tich phan Ig(x)dx tuong wng bang
1

A Lo B.9. c. 13 p. 10

3 2 3
Cho ham s6 f(x) lién tyc trén R thoa man f(x)— f(3—x)— f(4—x)=4x+1 Véi Vx e[ 0;6]

. Gid trj cua biéu thuc .[IZf(4—x)dx+L3f(3—x)dx twong ng bang

A. —98. B. -36. C. 42. D. -48.
Cho ham s6 f(x) xéac dinh va lién tuc trén R, théa man f(x)- f(3-x)- f(4-x)=2x véi

Vx e[ -6;6]. Gia tri l6n nhét cua tich phan Is_“f(zl—x)dx turong ung bang bao nhiéu? Véi sb

thuc a e [0;3]

A 12. B.9. C. D. 10.

6.
Cho ham s§ f(x) lién tuc trén R thoa mén f(x)- f(2-x)- £(3+~1) =3+ =22 véi moi
2-a
x€[-10;10]. Gi4 tri nhé nhat cua tich phan If(sz —1)dx bang bao nhiéu? Vi sb thuc

ae [1;6]

1 | Facebook tac gid: Phan Nhét Linh



Nguyén ham, tich phén va Ung dung

Céu 10.

Céau 11.

Céau 12.

Céau 13.

Cau 14.

Cau 15.

Cau 16.

A. _1_5. B. _1. C. -10. D. 6.
2 2

Cho ham sé f(x) xac dinh va lién tyc trén R . Gia tri cua tich phan jf(x)dx twong tng bang

—a

A If(x)dx. B. —]l;f(a—x)dx. C. j;f(—x)dx. D. j;f(Za—x)dx.

0

Cho ham s& f(x) xac dinh va lién tuc trén R thoa man f(x)+3f(-x) =6x* —1. Gia tri cua tich

1
phan If(x)dx twong wng biang
|

Al B.2. C.0. D.%.
Cho ham s6 f(x) x4c dinh va lién tyc trén Rthoa man 3 f(x)+4 f(-x) = g(x) Véi Vx e[ -aa].

Biét gi tri cua tich phan [ f(x)lx=2. Giatri ca tich phan [ g(x)dx tuong ng bing

A 9. B.%. C. 14. D.Z.
7 2

Cho ham s6 f(x) ¢6 dao ham va xac dinh va lién tyc trén R thoa man dong thoi cac diéu kign

5f(x)—2f(—x)=x2 coszx VoI Vxe[—l; 1] : f(1)+f(—1)=3 . Gia tri cua tich phan
1

I= J.xf'(x)dxza+L2; VGi a, b, ¢ 1a nhitng s6 nguyén duong va phéan sd b t6i gian. Gia tri
% c.r c

cua biéu thic T =a+b+c twong tng bang

A 11. B. 10. C.o. D. 12.

Cho ham s6 f(x) lién tuc va c6 gia tri duong trén R thoa man f(x).f(a+b-x)=1 V6i

X

b
Vxe[a;b]. Gidtri cha tich phan I = J'ld—
oLt

f(x)

2 2
A b-a B. 1. C.b_s. D. b -a
2 1

tuong tng bang

Cho ham sb f(x) lién tuc va c6 gia tri duong trén R thoa man f(x)+f(lj=g(x) Vi
X

f(x)dx

X

tuong ng bang

Vx € (0;+). Gid trj cua tich phan I =j|£
1

A l=

N |+

j.g(x)dx. B. Izlj.g(x)dx. C. Izl_ﬂ[g(x)dx. D.I=
1 23 23

Cho ham sé f(x) lién tyc va c6 gia tri duong trén R thoa man f(x)+f %j = xg(x)

V6i Vx € (0;+0). Biét rang jg(x)dx=6. Gia tri cua tich phan Izjf(x)dx twrong tng bang
1 T X
A. 6. B. 9. C. 3. D. 12.
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Céau 17.

Céau 18.

Céau 19.

Céu 20.

Céu 21.

Céu 22.

Cau 23.

Cau 24.

Cho ham s6 f(x) lién tuc va c6 gia tri duong trén R thoa mén 2f(x)+3f[1]:xg(x) Vi
X

s L . . J;f(xz)dx .
Vx e (0;+). Biétring [g(x)dx=10. Giatrj cuatich phan I = [ ——— tuong ing bing
1 X

1

a a

A 1. B. 2. C.5. D. 11.
Cho ham sb f(x) lién tuc va c6 gia tri duong trén R thoa man f(x)+2f(1J=xg(x) V6i
X

Vxe(0;+%) . Biét ring jf )Inxdx =18 va (f(e)ﬂ{ljj:& Gia tri cua tich phan
e

I=g(x)dx twong ting bing

Il
LY [ S—

A. -13. B. -39. C. 18. D. 6.

Cho ham so f(x) lién tuc vathoa man f(2x—1)=3x"+1 véi moi x € (0;+) . Gid trj cua tich
3

phan I = If(x)dx twong ing bing
S

A. 32. B. 4. C. 20. D. 18.

Cho ham s £(x) lién tuc va thoa mén f(x3 +3x+1) =6x+2 V6i Vx e (0;+0). Gidtri cua tich
5

phan I =If(x)dx twong wng biang
1

A 22. B.ﬁ. C.@. D.E

2 3 2
1
Chohamsé f(x) liéntuc théaman f(x)= f(1-x) véi Vx e (0;+) va [ f(x)dx=—6.Giatri
0

1
cua tich phan I = J'(er’ —3x2)f(x)dx twong ng bing

0
A. 3. B. 6. C. -12. D. 3.

2
Chohamsé f(x) liéntuc théaman f(x)= f(2—x) véi Vx e (0;+0) va [ f(x)dx=12. Giatri

0
2
cua tich phan I = I(x3 —3x2)f(x)dx twong ng bing
0
A. -12. B. 24. C.6. D. 6.
Cho ham s6 f(x) lién tyc va thoa man: ( f(x))3 +2f(x)=2x—1 véi VxeR. Gia tri cua tich
2
phan I = [ f(x)dx twong {ing bing
1

A I=1. B.I=-1. C.1=0. D. I=2.
Cho ham sé f(x) lién tuc va thoa man: (f(x))° +3f(x)=x Véi Vx e R. Gia tri cia tich phan

4
I= j (f(x))’ dx tuong ung bang
0
A 1=12 B.I=-3. C.1=8. D. 1=16
7 3
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Céu 25.

Céu 26.

Céau 27.

Céau 28.

Cau 29.

Cho ham s6 f(x) lién tuc trén R vathoa man f(x+1)+ f(x+2)=e*(x*~1). Gia tri cia tich

phan I =J.]3f(x)dx tuong ng bang

A . 1=0. B. I=2. C.I=-1. D. I=-3.

Cho ham sé f(x) lién tuc va xac dinh trén R thoa hé¢ thuc
F(x+1)+ f(x+2)+..+ f(x+2019)=3x*+2x . Gid tri cua tich phan I=["" f(x)dx twong

g bang
A I=1. B. I1=2. C.I1=3. D.I=5.
Cho ham s f(x) lién tyc trén (-2;+0) va théa man h¢ thic diéu kien

12
%f(2x—1)+%f(3x+6)=xln(x+2). Gia tri cua tich phan IZ_Lf(x)dx tuong wng bang
A.g. B. 3. C.E. D.2—7.
4 3 2
PP o )
Cho ham s f(x) lién tuc trén (0;+0) va théa man f(x* +1)+ = x+2. Gid tri cua tich
4xx/;
17
phan I = If(x)dx twong wng bang
1
A. 2—27 B. 36. C. 72. D. 18,
Cho ham s6 f(x) lien tyc trén [L;+0) va thoa man h¢ thiac dicu kién
Flx+1)+3f(3x+2)—4f(4x+1)- f(27) = & V6i Vx eR. Gia trj cia tich phan
Jx+1+x+2
Z d .
I=If(x) ! tuong tng bang
1 X
A In2++3-22 B. (2+6\/§—8\/§)ln2.
C.216\3-82- D. 3\2+43-1-
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BANG DAP AN
1.A 2D | 3.D 4.C 5.B 6.A 7.A 8.B 9.B | 10.C
11.D | 12.C | 13.B | 14.A | 15.D | 16.C | 17.A | 18.B | 19.C | 20.B
21.D | 22.B | 23.C |[24.A | 25.C | 26.B | 27.D | 28.C | 29.B
HUONG DAN GIAI CHI TIET
Caul. ChonA
Pit  =a+b—x = dt = —dx . Ddi cin {x”:t:b.
x=b=>t=a
Suyra: I =] fedx=[fla+b-t)-dt)=[ fla+b-tydt = f(a+b-xybx.
Cau2. ChonD
Céch 1: Trac nghiém: Ham ty do mot gia thiét nén ta chon ham luén c6 dang f (x) =g la hang
s0.
Suyra: [ f(x)dx=8=| adx=3a= a=§:>f(x)=§=f(3—x) .
Suyra: [ = I03f(3—x)dx = Jj%dx =8.
Céch 2: Ap dung cong thuc: I = .[OSf(3—x)dx = ij(x)dx =8.
Céch 3: Vi tich phan: I =j3f(3—x)dx. Dit: t =3—-x= dt = —dx; déi can: {x =0=1=3
0 x=3=>t=0
suyra: I=[ f(3-x)dx=[ f(t)-dt)=[ f(t)dt=8.
Cau3. ChonD
Tur gia thiét ta tich phan hai vé: j;[f(x)+f(3—x)]dx = ]j(xz -3x+ %jdx = 9—35
& if(x)dx+jf(3—x)dx=9—35 & j-f(x)dx+j-f(x)dx=%
<:>2if(x)dx=%5 @j‘lf(x)dxz%.
Cau4. Chon C

2

0

2

b
Ap dung cong thirc jf(x)dx = If(a+b—x)dx. Suy ra If(x)dx =J.f(2—x)dx.
Xtr ly tich phan jf(Zx)dx =-3.
0

Dit ¢ =2x = dt = 2dx = jf(zx)dx =-3= jf(t)(ldtj = %j'f(t)dt

= Z[f(t)dt =—6= j;f(x)dx :

T giai thiét, ta lay tich phan hai vé:
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I[ f +3f2 x}i Ig x)dx 2.[f x)dx+3_[f2 xﬁx

= !g(x)dx = 2_([f(x)dx+3!f(x)dx = 5.([f(x)dx = 5.(—6) =-30.
Cau5. ChonB

b 3 3

Ap dung cong thirc 'lff(x)dxsz(a+b—x)dx. Suyra [ f(x)dx = f(4—x)dx.

3
Tur gia thiét ta Iy tich phan 2 vé&: 0= [( f(x)- f(4—x))dx = [g(x)dx
1
Cau6. Chon A
b b 2
Ap dung cong thac jf x dx:.[f(a+b—x)dx. Suy ra If(x)dxzjf(3—x)dx.
1

T f(x)+2f(3-x)=3x>+1 suy ra:

j( )+2f(3-x))dx j(sx +1)dx@3jf x)dx = 8<:>.|'f %
T 3f(x)- f(3-x)=g(x) suy ra:
I( )dx jg dx<:>jg dx Z'ff %

Cau7. ChonA
Ap dung cong thic Lbf(x)dx = Lbf(a+b—x)dx , suy ra:
[*F(x)dx =] f(3-x)x; [ f(x)dx =] F(4-x}hx
Tu f(x )— f(3—x)— f(4-x)=4x"+1
= [ (f(x )= f(4-x))dx=["(42* +1)ix =16
<:>J'1f x dx—jl f(3-x) dx—Lf 4-x)dx=16
e[ fla-x)dr=16< [ f(4-x)dx=-16 (1)
Tu f(x)-f(3-%x)—f(4-x)=4x"+1
= ['(F(x)-F(3-2)~ f(4-x))dx=[ (42° +1)ix =82
& [ fx)de-[ f(3-x)dx~[ f(4-x)dr=82
o[ f(3-2)dx=82c [ f(3-x)dx=-82 (2)
Tir (1) va (2) suyra | f(4-x)x+ [ f(3-x)ir=-16-82=-95.
Cau8. ChonB
Ap dung cong thirc [ f(x)ix=[ f(a+b-x)ix,suyra [ " f(x)dr=[""f(3-x)dx.
Tir f(x)- f(3-x)= f(4-x)=2x = [ "(f(x)- f(3-2)~ f(4-x))dx =] "2xdx
o [ f(x)dx [ F(3-x)dx— [ f(4-x)dx =" 2xdv=~6a+9
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= _J‘a3‘“f(4—x)dx =—6a+9 < LS_“f(zL_x)dx: 60-9<63-9=9.

Dau "=" xay rakhi a=3.

Suy ra gi4 tri 16n nhat cua tich phan I:faf(zl—x)dx bang 9 khi a=3.
Cau9. ChonB

b

Ap dung cong thic if(x)dxzjf(a+b—x)dx. Suy ra Tf(x)dx: I f(2—x)dx

a

T f(x)- f(2-x)— f(3x* —1)=3x" —%5

T (100 tas)- (o = T[22
< Tf(X)dx —Tf(2—x)dx —zj:af(fixz —1)dx =-2a°+6a° —%LH%

a

2_aE’>21d—23629 1
@If(x—)x—a—a+5a—§.

a

Khéo sat nhanh ham s6 h(a) =24’ —6a* +%a —% trén doan a e[ 1;6] ta dugc

G tri nho nhét ciia ham sé min h(a)=n| > | =1,
ae[l;é} 2 2

2—-a
Vay gi4 tri nho nhét cua tich phan J' f(sx2 —1)dx la —%.
Cau 10. Chon C
b b
Ap dung cong thiic jf(x)dx = jf(a+b—x)dx.

a

a a a

Céull. ChonD

Ap dung cong thric: jf(x)dx = j.f(—x)dx. Suy ra j.f(x)dx = Jl-f(—x)dx.

1 1
Tir gia thiét, ta lay tich phan hai vé: j fx)dx+3 f(—x)dx = I 6x° —1=2
-1 -1

1

= j.lf(x)dx+3j.1f(—x)dx =2= if(x)dx+3_j1f(x)dx = 4j1f(x)dx = jlf(x)dx =5

Cau 12. Chon C

Ap dung cong thuc: If(x)dx = .ff(—x)dx.
Tir gia thiét, ta 14y tich phan hai vé:

j-(3f(x)+4f(—x))dx = jig(x)dx =3j.f(x)dx+4j.f(—x)dx
= 3jf(x)dx+4jf(x)dx = jg(x)dx = 7jf(x)dx =72=14.
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Céau 13. ChonB

= du=d
Vi tich phan I = J'xf (xpx=a+— b aat: {u * {u y
7[

dv=f'(x)dx:> v=f(x)'
Suyra I - _[xf (et =t (2] - j f(xpix=f (1)_jf(x)dx:3_j1f(x)dx (1)

-1

Tir gia thiét, suy ra: J.(Sf(x)—Zf(—x))dx = jf(xz cos;zx)dx =—
el -1

T

@_—‘f 5[ x)dx - 2jf x)dx = 3jf dx:>jf — (2)

2
T 371

. 4 b
Thay (2) vao (1) ta duoc: I = 3+§—a+;

Suyraa=3,b=4,c=3.Vay T=a+b+c=10.
Céu 14. Chon A

Céach 1:
Chon ham hang sé: f(x)=f(a+b-x)=1.
_[dx _b-a
Suyra: - J141 0 2
Cach 2:
b _ —
Vé’itichphénlz.[%(),tadat:t=a+b—x:>dt=—dx;déican: {x_zzi_b.
X X = =q
f —dt ¢ dt
Sy ra: 1= I f() j1+f(a+b t) !1+ -[1+ft j1+f (x)
f(f)
oo A S f(x)ax b _b-a
Suyra.I+I_2I_.[1+f(x) I1+f(x)—!dx—b—a31_7.
Céu 15. ChonD
1
a XxX=—>=t=ua
Vi tich phan Izjf dx;ta dat: tzlzdtz—d—f; ddi can: a
1 x X x a:>t—1
“ a
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Céu 16. Chon C

Ap dung cong thuc: I =j' zj‘
1 1

T gia thiét: f(x)+ f(%] = xg(x) > g(x)

f(x)+f[ijdx

X

U

U

Q| — Q| C—

Céu 17. Chon A

Ap dung cong thic I =I * =_|'
1 1

Jo f(x*)dx . 1 _1
Xét tich phéan I = f( ) . Pat t =x* = dt =2xdx . Doi can: {x \/;:t a.
X

x:\/E:>t:a

Céu 18. Chon
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Céau 19.

Céau 20.

Ap dung cong thic: I:ff(x :j
1 X 1

a

Tir gia thidt: f( )+zf@ g(x):fi")u 2 g(v)
1
dr
:.1[ T+ZT x—.!g(x)dx
/)
@j.fgcx)dx+2i xx dx=jg(x)dx=3j.@dx:Izjg(x)dx:BT@dx
dx
Vi tich phan: jf x)Inxdx =18 Pt {uzlnx o=
v=f'(x)dx v=f(x)
Suy ra:
e ¢ flx)dx ¢ fx)dx ¢ f(x)dx
18 = J-f lnxdx fx)lnx‘l— f(x) = (e)+f(%}—jf(x) 25_-[f(x)
< Tf(i)dx =-13.Vay I =j.g(x)dx =3jf(3;)dx =-39.
Ch(;nC e e

Dang bai toan

Xit Iy téng quét { (:”)‘(t) ZZ’;;”'Z;“ = [ ) =[o(o)u (1)

3
Vi 1= [ f(x)dx. Bt x=2t—1= dx =2dt
paican I~ 15T .Suyral= If x)dx = I(3t +1).2d¢ =20
o x=3 t=
Ta c6 thé xir ly bang phuong trinh ham

Chon B
5

Vi 1= f(x)dx.
1

Pt x = +3t+1=dx = (3£ +3)dt; f(x)=f(£*+3t+1)=6t+2

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 10
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e {le {tzO
Dol can =
x=5 t=1
Suyra I = jf x)dx = j6t+2(3t +3)dt—

Céu2l. ChonD
Céch 1: Tric nghiém
Ta chon ham hang: f(x)= f(1-x)=a= hing so

Suy ra: jf(x)dx=—6=jadx=a :f(x):f(l—x):—6

1

Suy ra: I = j(2x3 —3x2)f(x)dx = J-(Zx3 —3x2)(—6)dx =3

0
Céch 2: Vi tich phan I = j(2x3 —-3x) f (x)dx
0

Patt=1-x=dt=—dx.

2. a x=0=>t=1
Do1 can:

x=1=t=0

Suy ra I = j(2x3 32 f(x)dx = j(z(uf 311 ) £ 1)(at)

i( 28 137 - 1) f(t)dt

1

o= !(2.7(3 —3x2)f(x)dx = .:[(—er’ +3x° —1)f(x)dx

:j;(_zgﬁ+3x2)f(x)dx—jf(x)dx @I:i(2x3—3x2)f(x)dx =-J+6 & 1=3.

0

Céu22. ChonB
Céch 1: Tric nghiém
Ta chon ham hang: = f(x) = f(2 —x) = a = hang s6

Suy ra: j.f(x)dx=12=j.adx:2a:>f(x):f(2—x):a:6

Suy ra: I = j(ﬁ —3x2)f(x)dx = I(x3 —3x2)(6)dx =-24

0
2
Céch 2: Vi tich phan [ = j(x3 —3x2)f(x)dx.
0

x=0=t=2

Pit t=2—x = dt =—dx . Ddi can:
x=2=t=0

Suy ra: I = i(xa -39 f(x)dx = i((Z—tf ~3(2-1) ) F(2-t) ()

= [(~£>+3 —4) f(t)at

o'—,m
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2

=3 j;(x3 —3x2)f(x)dx = j;(—x3 +3x? —4)f(x)dx = I(—x3 +3x2)f(x)dx—4:[f(x)dx

0
SI=-1-412=1=-24.
Céu 23. Chon C
Véi dang nay ta co cach 1am téng quét sau:

Tt gia thiét vi phan hai vé s duoc (3( f) + 2) F(x)dx = 2dx.

Suy ra I = f(x)dx :% | f(x)(3( fx)) +2)f‘(x)dx
Dit t = f(x) = dt = f'(x)dx

béi can:

x=-1=(f(-)) +2f(-1)=-3= f(-1)=t=-1

x=2=(f(2)) +2f(2)=3= f(2)=t=1

17 2 : 1i,no
Suy ra =2 jl f(x)(3( £(x)) +2)f (x)dx = jl H3t? +2)dt =0
Céau 24. Chon A
Tur gia thiét vi phan hai vé s& duoc (S(f(x))4 +3)f'(x)dx =dx.

Suy ra I = [( f(x)) dx = i( f) (5( f)' + 3)f'(x)dx - j(5( £) +3(f(x) ) F(x)dx.

bat t = f(x)=>dt = f'(x)dx .

Doi can:

x=0=(f(0)) +3f(0)=0= f(0)=t=0.
x=4=(f(4) +3f(4)=4= f(4)=t=1.

Suyra 1= (5( £ +3(f(0) ) /() = [ (5° +3)dt = % |

Céau 25. Chon C
L4y tich phan hai vé tir 0 dén 1 ta duoc:
_[Olf(x +1)dx +L1f(x +2)dx = I:ex (¥ -1)dx=-1 (1)

L . . =0=t=1
Vi tich phan Azjlf(x+1)dx.Dét t=x+1 = dt =dx ; doi can *
0 x=1=t=2

Suyra A=[ f(x+1)dx=[ f(t)dt=[ f(x)ax (2
x=0=>t=2

Vi tich phan szlf(x+2)dx.Dét t=x+2 = di =dx ; d6i can
0 x=1=t=3

Suyra B=[ f(x+2)x= f(t)dt = f(x)dx  (3)
Thay A,B tur (2);(3) Vao (1) ta duocC

j:f(x+1)dx+_[:f(x+2)dx =-1= jlzf(x)dx+jzsf(x)dx = ff(x)dx.
Céau 26. Chon B

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 12
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Céau 27.

Cau 28.

Lay tich phan tir 0 dén 1 ta duoc:
Iolf(x +1)dx +I01f(x +2)dx +... +I01f(x +2019)dx = J.Ol(?)xz + 2x)dx =2 (1)

x=0=>t=1

Vi tich phan: [ f(x+1)dx. Dit ¢ =x+1=> dt = dx; ddi can
0 x=1=>t=2

suyra [ f(x+1)dx=[ f(t)dt = f(x)dx
x=0=>t=2
x=1=t=3

Vi tich phan: J.O]f(x+2)dx. Dit t = x+2 = dt = dx ; ddi can {
Suy ra J.Olf(x+2)dx = ij(x)dx
Tuong tu ta co: J.Olf(x+3)dx = J.:f(x)dx;...;ﬁf(x+2019)dx = J.Zzoolz:f(x)dx
Thay vao (1) ta duoc:

2
[ f(x dx+j f(x)dox +. +j2 19f x)dx = 2@j Uf(x)dx=2.
Chon D
Tir gia thiét:
%f(Zx—1)+%f(3x+6):xln(x+2)<:>2f(2x—1)+3f(3x+6):6xln(x+2)
Léy tich phan hai vé can tir =1 d&én 2, ta duoc:

j2f(2x—1)dx+_[3f(3x+6)dx=I6xln(x+2)dx=%. (1)

o . % 3 o [x=-1=t=-3
Vi tich phan: A = IZf(Zx—l)dx; dat t =2x—1= dt = 2dx; doi can:
¢ x=2=t=3

3

Suyra: A=[2f(2x—1)dx= [ f(t)dt = [ f(x)dx. )

-3
x=-1=t=3

2
Véi tich phan: B=I3f(3x+6)dx; dat t = 3x+6 = dt = 3dx ; ddi can: {
-1 x:2:>t:12

Suy ra: B=.2[3f(3x+6ylx:1ff(t)dt:Tf(x)dx. )
Thay A va B tir (2), (3) vao (1), ta dugc:

j;zf(ZX—l)dx+i3f(3x+6)dx = _t6xln(x+2)dx = 277

<:>If(x)dx+jf(x)dx=%=J.f(x)dx.
Chon C

Ta co: f(x2+1)+f(\/;) =x+2<:>xf(x2+1)+@=x2+2x, Vx> 0.

dxx ax

Léy tich phan hai vé can tr 1 dén 4, ta duoc:
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4 4 f \/;
!xf(x2+1)dx+_! 4(\/;)

4
Vi tich phan: A = Ixf(xz +1)dx - dat t =x> +1= dt = 2xdx ; ddi can: {
1

dx =

j'(x2 +2x)dx = 36. (1)

x=1=>t=2
x=4=t=17

4 17 17
Suy ra; A=jxf(x2+1)dx=jf(t)(%dt]:%jf(x)dx )

1 2 2

4
Jx 1ot

Vi tich phéan B:.!-le(\/;)dx;dét tZ\/;SdtZ%;déi can: {i;}ii:lz

4f(\/;) 12 12
S . B= dx==|f(t)dt== d 3
uy ra !4\/; x 2.1[f() Z.Ef(x)x 3
Thay A va B tir (2), (3) vao (1), ta duoc:
4 , 4f(\/;) ~ 1Y 12 B
.!-xf(x +1)dx+J; e dx—36<:>E!f(x)dx+§!f(x)dx—36.

117 17
@E!f(x)dx:36©!f(x)dx:72.
Céau 29. Chon B
Tur gia thiét ta lay tich phan hai vé can tir 0 — 1, s& dugc
1 1 1 1 1 3dx
1 3f(3x+2)dx—|4f(4x+1)dx— 2" = 1).

_[f(x+ )dx+.(|; f( X+ )dx _([f( X+ ) x _([f( )dx ’([\/x?+\/x+_2 ()

3dx

x+1++x+2

Vi I

:z[(ﬁz)m_(m)ml

3V 21

—2+6\3-82.

Dé& dang dung phwong phap ddi can ta c6

jf(“l)dx = if(t)dt =if(x)dx

jsf (3x+2)d

£(t)

(2)
jf dtzif

jf t)dt jfx

j4f (4x+1)dx =

j;f(z")dx Jj
Thay (2), (3). (4). (5) vao
f

2
<:>j
1

f x)dx
x

:(2

tIn2

f(x)dx +if(x)dx —jf(x)d

1 2f(x
an-!
0 (1) ta dugc:

1
In2

imz2+6ﬁ—8ﬁ

1 X

+6\/§—8\/§)ln2 .
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DANG 7 Tich phéan dic biét két hop vai tich phan ham an

Caul: Hamsd f(x)=ax®+bx*+cx+d co f(0)=2 va f(4x)-f(x)=4x*+2x,VxeR. Tichphan

1
I :.[ f (x)dx bang
0

A B. 12 c. 2 p. 12
63 63 63 63

Cau2: Chohamsd f(x)co daoham lién tyctrén R thoa man f(6)=1va Ioe(xz. f'(x)+6f(x))dx =10;

khi do: | xf (x-+3)dx bing:
A. -13. B. 26. C. —26. D. 13.

1
Cau3: Chohamsd f(x)=x*—4x[|f (x)[dx va f(1)>0. Khido f(4) bing
0

A. 64.. B. 60.. C. 62.. D. 63.
9
Cau4d: Cho f(x) 1a ham sd lién tuc trén tip sb thuc R va thoa man: f(eX +X+1)= XX 1 Tinh
e" +
e+2
| = .[ f (x)dx
2
A.l. B.i. C.i. D.i.
8 9 10 11

Cau5: Cho ham s y= f(x) xdc dinh va lién tyc trén R\{0} thoa man f(1)=-2, f (x);«r&—l va
X

4
xzfz(x)+(2x—l) f(x)=xf'(x)-1 vxeR\{0}. Tinh jf(x)dx.
1
A. —2In2—§. B. —2In2—1. C.—In2—§. D.—In2—£.
4 4 4 4
1 1
Cau6: Chohamsd f lién tuc trén R va I f (x)dx=6. Tinh I[Xf (xz)—xzf(x3)}dx.
0 0

A 0 B. -1 C.1 D. %

Cau7: Cho ham s6 Y= f(X) c6 dao ham lién tuc trén doan [0;1] théa man
1
f2(x)—xf (x) f'(x)=2x+4, vxe[0;1]. Biét f(1)=3. Tich phan |=Jf2(x)dx bang
0

A.E. B. 19. C. 13. D.E.

3 3

Cau8: Chohamsd f(x) dong bién, biét f(x)>0,Vxe[1;4] va c6 dao ham lién tuc trén doan [1;4],
4

thoa man f(1)=1va [2f (x)+xf'(x)] LG moi X &[1;4]. Khi do [ f (x)ix bing
X 1
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Cau 9:

Céu 10:

Cau 11:

Céau 12;

Céu 13:

Céu 14:

Céau 15;

Cau 16:

Al B. 2In2. C.2In2-2. D. -2.

Cho a,b,c 1a céc s6 thuc va f(x)=x>+ax’+bx+c thoa man f'(t)=f'(t+5)=2 véi t Ia
t+5

hang sd. Gi4 tri I f'(x)dx bang
t

N B. 24 c. 2. p. 2.
2 3 2 4

Chohamsd f x liéntuctrén 0;+oco vathéamin f x2+4x =—2x> —7x+1Vxe 0:+oo

5
Biét f 5 =—8, tinh szx.f’ X dx ?
0

) B I =—>, c1=-2 p.1=-2

3 3 3 3

Al =

Cho ham sb y=f (X) c6 dao ham lién tuc trén R, xf '(X)=eXZ ~-1,vxeR, f(1)=0. Gia tri
1

J.Xf (X)dx bang

0

A ~3(e-2). B. 2(e-2). C.-2(e-2). D. ~(e-2).

Cho f(x) la ham sb lién tuc c6 dao ham f'(x) trén [0;1] , f(1)=0 . Biét

f (x)dx bang

O Ly
O LV |

1
(f'(x)) dx=%,j f (x)dx=—%.Khi do
0

A 11 B.0. c. . 1 D. 6.
48 6 23

Cho hamsé ¥ = F(x) Véi F(0)=f (1):1. Tinh jex[f (x)+ f'(x)]dx

A. 1=0. B. I =e+1. C.l=e-1. D. e.

f(x)>0,vxeR va

Cho ham s6 Y= F(x) c6 dao ham lién tuc trén doan [-L11] , théa man
f'(x)+2f(x) :0_ Biét f@2) =1 Tinh f(-1)

A e?. B.e™. C. e?. D. e*.
r 1 4 N
Cho ham sé f(X) = x+/x + j xf (x)dx . Tich phan j f (x)dx bing
0 0

A28 B. 2% c. 28 p. 2%
35 35 35 35

)

,
Choham s6 f x thoa f 2 =0va f' x = X+7 ’Vxe[g;—l—oo]. Biétff[g]dx:%
4

J2x—3

véi a,beZ, b>0 va % 2 phan sb ti gian. Tinh a+b.

A. 250. B. 251. C. 133. D. 221.
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Cau 17:

Céu 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

. 2x+1 khi x >3 . . .4 p s
Cho ham s f (x)= ) (a la tham sb thye). Néu [ (e" +1)e*dx =e’thi
ax—3a+7 khix<3 o
a bang
2
A e t+4e-6 B. 6e—6 C. 6e+6 D. —6e+6
e-1
Cho ham 6 1 (x) 2x+1 iX>3 13 tham sé thire). N& 1f(x 1)edx=e?
O nam SO = SO wce). cu e"+1)je'dx=e
ax—3a+7  khix<3 ° ' !
thi a bang
2 J—
A 3e+—4$6. B. 66 6. C. 6e+6. D. —6e+6.
e_
. 2x+1 khi x >3 . - y s
Cho ham s f (x)= _ ( 1a tham s6 thuc). Néu [ f (" +1)e*dx=¢’ thi
ax—3a+7 khix<3 5
a bang
2
de—
p, e tde-6 B. 6e—6. C. 6e+6. D. —6e+6.
e-1
, ),
Cho ham s6 f(x) c6 dao ham trén R théa man f (2)=3, ITdXZZ’ jxf’(x)dx:B.
1 X 0
1
Tinh [ f(x)dx.
0
A 5. B. 1. C.2. D. 3.

Cho ham s6 f(X) c6 dao ham lién tuc trén R va théa man f(X°+3x+1)=3x+2, VxeR.

5
Tich phan [x.'(x)dx bing
1

A.—ﬁ. B.g. C.E. D.4—9.
4 4 4 4
Cho ham sb f (x)lién tuc trén (0;+c0) va théa man 2 f (x)+ xf (Ejz X v6i moi x>0, Tinh
X
2
L f(x)dx.
2
A.l. B.Z. C.g. D.E.
12 4 4 4

Cho ham s f (X) lién tuc trén R va c6 mot nguyén ham 1a ham s6 g (X) = % x* —x+1.Khi d6

j. f (Xz)dx bang

1

A B -2 c2 D. -2,
3 3 3 3
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Cau24: Chohamsb y=f(x) lién tuc trén R va j x)dx =6. Tinh I[xf —x*f (xg)de.
A. 0. B. -1. C. 1. D. %

Cau 25: Chohamsé y= f(x) lién tuc trén R va _[ x)dx =6. Tinh I[Xf —x*f (xs)}dx.
A 0. B. -1. C. 1. D. %

Cau26: Cho hai ham s6 y=f(x),y=g(x) c6 dao ham trén R va théa man f'(x)+g(x)=x
9'(x)+ f (x)=-x,véi YxeR.Biét f(0)=g(0)=1.Tinh f(1).

2 2
A2 o B.etl_2. c.&£+2 p. &2
e e 2e 2e

Cau27: Chohamsé f(x)=x*** +sinx +2021. Biét rang c6 duy nhat gia trj ciia
m :_% (v6i a,beN va (a,b)=1) dé j(x.f'(m—x)— f(x))dx=1. Tim a+b.
0
A. a+b=2021. B. a+b=2023. C. a+b=2020. D. a+b=2022.

Cau28: Chohamsd y=f (X) c6 dao ham cap hai f"(X) lién tuc trén doan [0;1] ddng thoi thoa man
dieukién f(0)=f(1)=1 f'(0)=2021. Ménh d nao sau day ding?

1 1
A j(l—x)f”(x)dx=—2021. B. (1-x) f"(x)dx = 2021.
0
1 1
C. .[(1 x) f"(x)dx=1.D. j(l—x)f"(x)dx:—l.
0 0
2
Cau29: Cho ham sé f (x) lién tuc trén doan [0;1] va f(x)+f(1—x)=% ,vx[0;1]. Tinh
+
1
If(x)dx
0
A.§+2In2 B.§+2In2. C.§+In2. D. 3+In2.
4 2 4
8
Cau30: Biét [ f(x)dx= 1oj X)dx =4 . Tmhj (|3x~1])dx.
0
A 2. B. 1. C.0. D. 4.

Cau31: Chohamsd y= f(X) c6 bang bién thién nhu hinh
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Céu 32:

Céu 33:

Cau 34:

Cau 35:

Céau 36:

X | —oo -2 -1 4 +00
y + | + 0 - 0 +
2021 +00
y 2 \ /
— oo / 8
1
Giatri | :_Z[lf’(Zx)dx+:[%+l)dxbéng
A. 3. B. 2021. C.5. D. 10.

3
Cho ham sb f (X) lién tuc trén R va thoa man f(X)z f (5—X), vx e R . Biét If (x)dx =2.
2

3
Tinh 1 =jxf (x)dx.
2
A. | =20. B. I =10. C. | =15. D. | =5.

Cho ham s f (x)co dao ham lién tuc trén R va thoa mén cac diéu kién sau: f (0)=-2 va
NG

(x2 +l) f'(x)+xf (x)=-x, ¥xeR. Tinh tich phan | = I xf (x)dx.
0

Al=2 B.1-_3 c.1=2 D.1=_2.
2 2 2 2

Cho ham s6 y = f (x) lién tuc trén R va théa man 2021f (x)- f (-x)=xsinx,vx e R. Gia tri
2 ‘
cua tich phan | = '[ f (x)dx bang

Al-_S B. L c. 2 D. L .
2022 1010 2019 2020

Gia st ham s6 f () lién tyc va ludn duong trén doan[0;e] thod man f (x).f (e—x)=1. Tinh

1
d
T f(x)

tich phan 1 = |
0

A l=e. B.1=2. c.1-2¢ D.1=2.
2 3

Cho ham s6 y=f(xX) c¢6 dao ham lién tuc trén R, thoa maén
6
f(X°+2x+3)=x°+4x" +3x* +6x+2, voi moi x € R. Tinh tich phan | :j f (x)dx.
0

A 206 B 1976232. C 125 D 125

'35 5 24 48
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Cau 37:

Cau 38:

Cau 39:

Céau 40:

Cau 41:

Cau 42:

Jl'(3x2 +2) f (x3 +2x+3)dx: Jl'(3x2 +2)(x6 +4x* +3x%° +6x+2)dx <:>_T f (t)dt = 2198 (SGD
-1 0

-1

VINH PHUC - LAN 2 - 2021) Cho ham s y = f (x) c6 dao ham lién tuc trén R va thoa man

3
f(x )+f(5—xj sinx.cosx, vx e R. Biét f(0)=0, tinh | _[ xf'(x)dx.
0

A l=_1 B. -1 c.1=2, .
4 4 4 4

Cho ham sb y = f (x) lién tyc trén R va thoa man f (X3 +2X) =4x—-1 voi moi XeR. Gia tri
3

cua tich phan I f (x)dx bang
0

A 2. B. 1. C. 3. D. 4.

Chohams6 f (X) lién tuc va xéc dinh trén R théaman f (2—x)+2f (x)=3x*+2. Gid tri clia

- 1 ey 13f(\/3x+1)

tic an I =| x x+

P ! I 443x+1

A 1. B. 3. C.2. D.

( X)_in

Cho ham sb f(x) lién tuc trén (0;+o0) va théa man f NG +1 —= . Biét
4x\/_

17 .

[ f(x)dx=aln4—b véi a, beZ. Giétrj cia a+2b bing

1

A. 20. B. 16. C.12. D. 8.

Cho ham s y = f (x) c6 dao ham f'(X) lién tuc trén R. Mién hinh phing trong hinh vé& dugc

gi6i han béi d6 thi ham s6 y = f'(x) va truc hoanh dong thoi c6 dién tich S =a. Biét ring
1

1
J.(X+1) f'(x)dx=b va f(3)=c. Gié tri cia I f (x)dx bang
0

0
7 f’(ﬂ7
o) 3

A. a-b-c. B. -a+b+c. C. -a+b-c. D.a-b+c.

-
8

Cho ham sé y = f (X) x4c dinh trén khoang (0;+0) théa man m = f(x)+f'(x)-e™ dong
X

thoi f (1)= 2. Tinh gié tri cia T (2).

€
A. f(2)=e?(1+2In2). B. f(2)=e?(3+2In2).
C. f(2)=e?(2+In3). D. f(2)=2e7(1+In2).
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1
Cau 43: Cho ham s6 f(x) lién tuc trén [-L1] théa man f(x)—l=j(x+et)f(t)dt . Tich phan
)

1
jexf (x)dx béing
-1

2 2
Ar=—¥3 g oo &8 p 2
—e“+e-3 e —e+3 —e°+e—-3 e-—e+3

Cau44: Cho ham s6 f(x) lién te va c6 dao ham trén [-22] théa man

RE 64 . L f
JiL 7021 000 2 Jx =% inh 1 = [ T

7—2In2 7—In2 7+In2 _7+2In2

A l= B. I = . C.l= : D. 1
2 2 2

1
Cau45: Cho f(x) la ham s6 lién tuc c6 dao ham f’(x) trén [0;1], f(0)=0. Biét I[f’(x)]zdx:%,
0

f (x)dx bang:

O LV |

i 1
[ f(x)dx=—-=.Khido
) 3

0 c. L. D. &

48 ' 6 23

oy
o

Cau46: Cho ham sb f(x) co dao ham lién tyc trén R va thoa man f(1)=0 ,

f'(x).f (x):2x1/f2(x)+1, vxe[l;+0). Tinh £2(2).
A. 1. B. 15. C.3. D. 24.
f(\/;) In x

—= . Biét

4x\/;= X

Cau 47: Cho ham sb f(x) lién tyc trén (0;+o0) va théa man f(x2 +l)+

17
jf(x)dX:a|n4—b v6i a,beR . Gia tri ciia a+2b bang

1

A. 16. B. 12. C. 8. D. 20.
Cau48: Cho f(x) co dao ham trén R va thoa man 3f'(x).e" - ffE( )=0, voi VxeR. Biet
X
N
f (0)=1, tinh tich phan 1 = J' x.f(x)dx.
0
N B. 2. c p. 2.
2 8 2 4
2 khi 0 < xs% 3
Cau49: Chohamsé y=f(x)=1 x+1 . Tich phan _[sin 2x.f'(sinx)dx bang
0

2x—-1  Kkhi ESXSl

A. g—4ln3+4ln2_ B. g+4ln3+4ln2.
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Cau 50:

Céau 51;

Céau 52:

Cau 53:

Céu 54:

Cau 55:

C. —§+4In3+4ln2. D. §+4In3—4ln2.

Cho ham s f(x), f(—x) lién tuc trén R va thoa man 2f(x)+3f(—x):4 7 Tinh
+
2
I :I f (x)dx
-2
A = B.-~.C-~. D=
20 20 10 10

Cho ham s6 y= f(x) xac dinh va lién tyc trén R c6 f(x)>0vxeR, f(1)=¢’. Biét
f' , , s , .
L =2x+1, vxeR. Tim tat ca gia tri cua tham so m dé phuong trinh f (x)=m c6 hai

nghiém thuc phan biét.
3 3 3 3
A. m>e*. B.0<m<e?. C.l<m<e*. D. m>e*.

1
Cho f(x) lién tuc trén R va 3f (—x)+2f (x)=x", vxeR. Tinh | =I f (x)dx.
0

A. |=i. B. |=l. C. | =55, D. 1 =11.
55 11
1
Cho ham sb f (x) lién tuc, c6 dao ham trén {_—1,&} thoa i[fz(x)—Zf (X)(B—x)]dx:_@
| ' 2 2 12

2

N |-

. Khi do I —)dx bang

A. In—. B. In§. C. Ing. D. In§.
9 9 9 9

Cho ham sb6 y= f(x) c6 dao ham lién tyc trén doan [0;1] thoa man

f2(x)—xf (x) f'(x)=2x+4,vxe[0;1].
1

Biét f(1)=3. Tich phan Ifz(x)dx bang
0

A.109. B. 13. C. —. D. —.

N‘N

Cho ham s6 y = f (x) lién tyc trén doan [0;1] va j (sinx)dx =2021. Tinh 1 —.[Xf (sinx)dx

A. | =2021. B. 1 =1010z. C. | :ﬁ. D. | =2021r.
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Cau56: Cho ham sb f(x) thoa man f(4)=% va f(X)=X(l+%—f’(X)j , Vx>0 . Khi do
X
4
Ixf (x)dx béing
1
A. @ B. — 157 C.E. D. —@.
30 30 30 30
Caus57: Cho ham s6 f(X) c6 dao ham xac dinh tren R . Biét f(1)=2 va
1 41 \/_
2¢7 _
!x f (x)dx_Jl' N (2 f)dx 4. Glatr1Cuajf(x)dx bing
Al B. 2. c 3. p. L.
7 7 7

3
Cau58: Cho ham sb6 f z thoa min f[?xln z+1 +af z|de=0 va f3 =1 . Biét

0
_a+bln2 bln2 . L ) e .
f fz véi a,b 1a cac so nguyén duong. Giatricua a + b la

A. 35. B.7. C.11. D. 29.

3x> khio<x<1

Cau59: Chohamsb y= f(x)={4 Khi 1< x < 2
—x khil<x<

2
. Tinh tich phan j f (x)dx
0

A.Z. B. 1. C. D.E.
2 2

N | o1

Cau 60: Chohamsd f(x) xéc dinh va c6 dao ham f'(x) lién tuc trén doan [1;3] va f(x)=0 véi moi

e [1:3], déng tho f'(x)(1+f(x))2=[(f(x))z(x—l)T va f(1)=-1.Khidé j’f ) la:

A. —In3. B. In3. C.In2. D. -In2.
e’ +m khix>0 o d
Cau6l: Cho ham sb f( lién tuc trén R va If(x)dx:ae+bJ§+c,
2x\/3+x khix<0 he
(a,b,ceQ). Tong a+b+3c bang
A. 15. B. -10. C. -19. D. -17.

Cau 62: Cho ham sb f(X) lién tuc trén R thoa man Jtanxf cos X dX j ( )dX=6 . Tinh
1

4. B. 6. C.7. D. 10.

. 1
Cau 63: Chohamso f(x) c6 dao ham lién tyc trén doan [1;2] va thoa man f(1)= -5 va
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Nguyén ham, tich phén va Ung dung

F ) +xF'(x) =(2x° +x*) 2(x), ¥x €[L;2]. Gié tri ciia tich phén Lz xf (x)dx bang
4 3

A. In—. B. In—. C. In3. D. 0.
3 4
o i 5 () x> =1 khi x>2 i o 3 .
Cau 64: Cho ham so = . Tinh tic an | f (2sinx+1)cosxdx ban
x* —2x+3 khi x<2 P ! (2sini+1)cosxdx bing
23 23 17 17
A —. B. —. C.—. D. —
3 6 6 3

Cau 65: Cho ham sb y= f(X) xac dinh va lién tuc trén R thdéa man f(x2 —X—2): X+3 vo1 moi

0
xeR. Tich phan | = [ xf '(x)dx co gid tr la
-2

AL B. 2 c. X0 p. 28
3 3 3 3
3x* +6x khix>2 & )
. ] oz . A f(In* x) s
Cau66: Chohamso f(x)=< 2 _ . Tich phén I=I dx bang
khix <2 - XInx
2X—5
A.15+2In6. B. 15-ZIn6. C.15+1Ins6. D. 15-Ins.
2 5 5 2

Cau67: Cho hiam s§ 1(x) thoa manm f(4)=2 v f(x):x(l+%—f’(x)j,VX>O. Khi d6
X
4 )
_[Xf (X)dx bang
1

A 1283 L c. B0 p. 1283
30 30 30 30
Cau 68: Chohamsd y= f () co dao ham lién tuc trén (0;+o0) va théa man cac diéu kién f (1)=3 va

w_(lJrij f (x)+£4= f'(x),vx>0. Tinh jif(x)dx

NG X X X

A. 6 —2In2. B. 6 + 4In2. C. 6+ 2In2. D. 8 + 4In2.
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HUONG DAN GIAI CHI TIET
Caul: Ham s6 f(x)=ax’+bx*+cx+d co f(0)=2 va f(4x)-f(x)=4x*+2x,vxeR. Tich
phan | :j.f(x)dx bang

A 188 g 146 c. 149 p. 14
63 63 63 63
Loi giai
Chon A
Taco
f(4x)— f(x)=4x’+2x,VxeR
{f (0)=2

64a—-a=4

16b—-b=0
&

4c-c=2

d=2

= f(x):ix3+gx+2
c 63 3

O
Il
N WIN O o
RS

d=

1 1
Vay | =If(x)dx=f£%x3+§x+2jdx:%.
0

0
Cau?2: Chohamsd f(x)cé dao ham lién tuc trén R thoa man f(6) =1va IOG(XZ. f'(x)+6f(x))dx =10;

khi do: f’s xf (X +3)dx bing:

A. -13. B. 26. C. -26. D. 13.
Loi giai

Chon D

bat t = x + 3khi do6 ta co:

=" xf(x+3)dx = [ (t-3)f (Ot
= [Ctfdt-3[ fOdt = [ x.f ()dx 3] f(x)cx =1, 3] f (x)alx

B 6 6
Xét I, = jo t.f (t)dt = jo x. f (x)dx

Cfu=f(x) , du = f'(x)dx
bat ¥ ta co: G

Khi do:

6 x? 6 (6X° ,, 6X* | 6x>
I, =j0 x.f(x)o|x=?f(x)|0 —jO?f (x)dx =18.f (6) -jo?f (x)dx:ls—jo?f (x)dx
A 1 6 , 6
Vay: | =18—§(I0 X2 f (x)dx+j06f(x)dx)=18—5:13
1
Cau3: Cho ham s f(x)=x3—4xﬂf(x)‘dx va f(1)>0. Khidé f(4) bing
0
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Cau 4:

A. 64.. B. 60.. C. 62.. D. 63.
Loi giai
Chon C
1
Bétm=ﬂ (x)|dx,(m=0)= f(x)=x>—4mx.
0

Do f(1)>O:1—4m>0<:>m<%:>me{0;%j.

Jm
Khi d6 m:_lﬂf(x)‘dx:hx3—4mx‘dx:zj ‘x3—4mx‘dx+ j ‘x3—4mx‘dx
I
24/m 1 2
Sm=-— I X —4mx dx + I X3 —4mx
0 2m

1 2
<:>m:—(—x4—2mx2j +(—x4—2mx2j
4 0 4 2Jm

2ym

9

. Tinh

Cho f(x) la ham sé lién tuc trén tap s6 thuc R va thoa man: f(eX +X+1)= 1
e+

e+2

| = _[ f(x)dx.

Al B 1 L D. -
8 9 10 11
Loi giai

Chon C

9

Taco: f(e'+x+1)= & (e +1).f (¢" + x+1)=x. Léy tich phan hai vé:

e’ +1

(eX +1).f (eX + x+1)dx:.l[x9dx

O e

o (ex+1).f(e +x+1) :—(1)

O ey

Pitu=¢e*+x+1= du :(eX +1)dx

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 12



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cau 5:

Cau 6:

e+2
2. . 1
b6i can: x=0=u=2x=1=u=e+2 . Khi do: ()< I f(u)du=E . Vay

2

e+2 1
1) < ! f(x)olx:E

Cho ham s6 y = f(x) xéc dinh va lién tuc trén R\{0} théa man f(1)=-2, f(x);«r&—1 va
X

x*f2(x)+(2x-1) f (x)=xf'(x)-1 vxeR\{0}. Tinh i f (x)dx

A. —2In2—§. B. —2In2—1. C.—In2—§. D. —In2—1.

4 4 4 4

Loi giai
Chon A
f2(x)+(2x=1) f (x) =xf'(x) -1
<:>xf() 2xf (x)— f(x)=xf"(x)-1
< xAf? (x)+2xf (x)+1=xf'(x)+ f(x)
<:>[xf( +1] :(xf(x)) <:>[xf(x)+1]2:(xf(x)+1)'.
Do d6 (Xf( )+1) =1= J.gd Id = - ;: +C.
[xf (x)+1] [xf (x)+1] xf(x)+1
1
Ma f(l)——2:>—f(1)+l—1 = - " =1+4C=C=0
Nén — ! —x:>xf(x)+1———:>f(x)——i——
xf(x)+1_ X X
1 1 3

Suyraj dx I(———;Jd _[;—Inle_Z—In4—1+ln1_—2In2—Z.
Cho ham sd f lién tuc trén Rva_[ dX 6. Tinh I[Xf Xzf(xs)]dx.
A. 0 B. -1 C.1 D. %
Loi giai
Chgn C

1 1 1
Taco: | :_[[xf(xz)—xzf(x3)]dx.:_[xf(xz)dx—fxzf(xg')dx:Il—l2

0 0 0

+Tinh I, = jxf (x2 dx
0

Datt:x2:>dt:2xdx:>xdx:%dt; X=0=>t=0;x=1=t=1
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Cau7:

Cau 8:

Taco: I, == i dt_—f

O

+ Tinh I, :Ixzf (xs)dx.
0

1
Bétt:x3:>dt:3x2dx:>x2dx:§dt; X=0=t=0x=1=t=1

17 17
Ta co: Izzg.([f(t)dtzg.([f(x)dx
A 17 1¢ 1
Vay | :—jf(x)dx—— f(x)dx:gjf(x)dx:—Gzl
0 0 0

Cho ham sb y= f(X) c60 dao ham lién tuc trén doan [0'1] théa man

f2(x)—xf (x) f'(x)=2x+4, Vxe[0;1]. Biét f(1)=3. Tichphan I _If x)dx bang

A.g. B. 19. C. 13. D. Q
3 3
Loi giai
Chon A

1
Tinh 1 =I f2(x)dx
0

Pat {“ = fz(X)j{du =21 (x) f'(x)dx

dv =dx V=X
Khi do | =(xf?(x \ -zjxf f'(x)dx = f2(1)-2jxf(x)f'(x)dx:g-zjxf(x)f'(x)dx.
0 0
Te  f2(x)-xf(x)f'(x)=2x+4 , ldy tich phan hai vé ta  duoc
j.[fz(x)—xf(x)f’(x)]dx:j(2x+4)dx<:>j.fz(x)dx—_l[xf(x)f’(x)dx=j.(2x+4)dx
0 0 0 0 0
< +ﬂ:5<:> I :E.
2 3

Cho ham s6 f (x) dong bién, biét f (x)>0,Vx e[1;4] va c6 dao ham lién tyc trén doan [1;4],

4
thoa man f(1)=1va [2f (x)+xf'(x)] ) moi X € [1;4]. Khi do [ f (x)dx bing
X 1
A 1. B. 2In2. C.2In2-2, D. -2.
Loi giai
Chon B
f(x)

* Tacod [2f(x)+x.f'(x)]2=@<:>2f(x)+ x.f'(x) =

2 [T()+" F - e[2T0] =

NE
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Cau 9:

Céau 10:

* Suy ra I[Zx.m] dx=j%dxc 2x.m= 2Jx+C.

* Thé x=1, taduge 2./f (1) =2J1+C < C=0.
1

Suy ra 2x.«/f(x)=2\/§<:> . f(x)=xo f(x)==

x .

4 41 4
* Tach If(x)dx=‘[;dx=ln|x| 1=2In2.
1

1

Cho a,b,c 1a cac sb thuc va f(x)=x*+ax*+bx+c thoa man f'(t)=f'(t+5)=2 vsit Ia

t+5
hang sd. Gi4 tri _[ f'(x)dx bang

t

A 1% el c. -t p. 2
2 3 2 4
Loi giai
Chon A

Taco f'(x)=3x"+2ax+b.Vi f'(t)=f'(t+5)=2 nén t va t+5 la hai nghiém cua phuong

trinh f'(x)-2=0<3x*+2ax+b—-2=0.

2a
t+t+5=—— 3
=——(2t+5
3 _ Ja=—5(2+5)

Theo Viet ta co =

t(t+5):b—;2 b=3(t2+5t)+2

Do d6

t+5

= [ F/(x)dx=f (t+5)f (t)=| (t+5)' ~t |+a| (t+5) ~t* |+ b[(t+5)~t]

=[(t+5-1)"+3t(t+5)(t+5-t) | +a5.(2t+5)+5b

=125+15(1" +5t) —%(m +5) +5[ 3(t* +5t)+2]

=135+ 30(t2 + 5t) —%(m2 +20t + 25) = —% .

Cho ham $b f x lién tuc trén 0;+00 va thoa
5

f x244x =—2x2—Tx+1Vx€ 0,400 .Biét f 5 =—8, tinh I:fx.f’ X dx ?
0

%8 B 1—_> C.1=_2 D.1-_%
3 3 3 3

Loi giai

Al =

Chon A
bit x? +4x=t,véi xe 0,400 thit>0.

Suyra x+2° =t+4=x=+t+4-2.
Do dd —2x2 —Tx+1=-2 x> +4X +X+1=—-2t+~t +4 1.
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Khido f x?4+4x =—2x>—7x+1=f t =2t +t +4—1: f t liéntuc trén 0;+oco .

5
fx.f’ X dx :
0
X

du = dx
v="Ff x

Tinh 1

U=
bat , =
dv= f’ x dx

5 5
l=xf x|'— [f xdx=5.f 5 — [ f tdt
e

5

68

=—3

5
—5.-8 —f —2t+\/t+4—1dt:—40—[—t2+§ t+43—t]
0

0

Cau 11: Cho ham s y= f(x)cé dao ham lién tuc trén R, xf '(x)=eX2 -1,vxeR, f(1)=0. Gia tri

Ixf dxbang
1 1 1 1
A ——(e-2). B. —(e-2). C. ——(e=-2). D. —(e-2).
Le-2) L(e-2) L(e-2) L(e-2)
Loi giai
Chon A
Taco xf '(x):eXZ -1=x*f'(x)= x(eX2 —1).
u=f(x) du = f'(x)dx
Xét | = I xf dx bat = 2
dv = xdx V=
2
1t 17 1t
_ 2¢1 X _ X2
Suyra | = —f —El'x f'( () E!x(e —1)dx_—§!x(e —1)dx.
1 1
Xét J :_[x(eXz —1)dx=jxex2dx—J.xdx . bat
0 0 0
1 2 [t 1
t:x2:>dt:2xdx:>J=1Ietdt—X— =1et —lzle—lzl(e—z).
23 2|, 2 |, 2 2 2
Vay | ——1\] :—%(e—Z).

2
Caul12: Cho f(x) 1a ham s lién tuc c6 dao ham f'(x) trén [0;1] , f(1)=0 . Biét

et S
J :§’I =3 . Khi do6 If(x)dx bang
0 0 0
A. —E. B.O. C. —1. D.E.
48 6 23
Loi giai
Chon A
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r 1
Tach Ixzdx =3

1 :f — f’
Tu jf(x)dx=—%,tadét {u (x):{du (x)dx;

0 v =dx V=X

Do d6: ——_xf Ixf dx:>jx.f’(x)dx:—.

1 2
Tir d6 ta suy ra I(f’(x)—x)zdx:0:> fr(x)=x= f(x):%+C

0

1 x* 1
Laico f(1)=0=>C=——; f =——-=.
aico f(1)=0= 5 suy ra f(x) > 5

1 1

2 2(x2 1 11
Vay | f(x)dx = [———]dx:——.

! ! 2 2 48

1
Cau13: Chohamsé y=f(x) véi f(0)= f(1)=1. Tinh Iex[f(x)+ f7(x)]dx
0

A 1=0. B. I =e+1. C.l=e-1. D. e.
Loi giai
Chon C
= f du= f'(x)d
Dit u (X):> u=f'(x) x
dv =e*dx v=eg"
1 1
J.ex[f(x) ]dX e f( ‘ J.ef dx+jexf’(x)dx =ef (1)- f(0) =e-1.
0 0

Cau 14: Cho ham sb y = f(x) c6 dao ham lién tuc trén doan [—1:1], thoéa man f(x)>0,VxeR va
f'(x)+2f(x)=0.Biét f(1)=1. Tinh f(-1)
A e’ B.e". C. e°. D. e*.
Loi giai
Chon D
+Taco:Vi f(x)>0,vxeR nén

Fx)+2f() =0 X _ o j P 4y =—2jdx SIn(f), =25,

f(x) 5 ()
nﬂ:—4<:> f(-1)=e".
f(-1)
Vay f(-1)=¢*

1 4
Cau 15: Chohamsé f(x)=xv/x + j xf (x)dx . Tich phan j f (x)dx bing

A 528 5. 438 ¢, 408, D, 368
35 35 35 35
Lai giai
Chon A
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1

Cau 16:

Cau 17:

bat jxf (x)dx=a . Suy ra
0

f(X) = xJX +a= xf (X) = x+ax:>jxf(x)dx=j‘(x2 x+ax)dx

L  Jxd i 2.2, 4
a—.[X XX+aJ.X X—?‘nga—?.
0 0

4 528

4 t 4 2 2 4
Vay f(X)=xa/X+—=.8Suyra || x/X+—=|dx=| =x2+=X|| =—.
ay f(x)=xJx . y !( 7) [ Jo 35

5 7

, . X+ 7 3 o (x a
Choham so f X thoa f 2 =0va f' x = , VX € —H—oo].Blét f[—]dx:—,
J2x—3 [2 [ 2 b

voi a,beZ, b>0 va % 1a phan s6 tbi gian. Tinh a+b.

A. 250. B. 251. C. 133. D. 221.
Loi giai

Chon B

Datt:§:>x:2t:>dx:2dt.

7

7
2

Khi do |:ff[§]dx:ff t 2dt.
2

4

du=f'tdt

u="~t
Dat = 7
ldv: 20t |v= Z[t—E]

7 7 7

E 2 2 t 7
—f2[t—z]f'tdt:0—f2[t—z]. g =238

2 2 2 2

2)2t-3 15

:>I:2[t—z]f t
2

=a=236b=15=a+b=251.

. 2x+1 khi x >3 . .
Cho ham s6 f (x)= " (alatham s thuc). Néu [ f(e* +1)"dx =€’ thi
ax—3a+7 khix<3 0
a bang
2 —_—
A. w. B. 66— 6 C. 6e+6 D. —6e+6
e_
Loi giai
Chon B
Pitt=e+1=dt=e"dx.Néu x=0=>t=2,Néu x=1=t=e+1
Suy ra:
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Céu 18:

Céau 19:

1 e+l 3 e+l 3 e+l

[ £(er+1ferdx= [ f(t)dt=[f(t)dt+ [ f(t)dt=[(at—3a+7)dt+ [(2t+1)dt

0 2 2 2 3

2
= (i—Sat + 7tj
2 2

=(a_232 _3a.3+7.3j_(a_222 _3a2+7.2]+((e+1)2+e+l)—(32 +3)

3
e+l

2

+(t2+t)

-2 ¢33
2
i 1
Theo  gid  thiét: I f (eX +1)exdx =e’ nén ta c¢6  phuong trinh:
0

_?a+e2+3e—3:e2 c>2=3e—3<:>a:6e—6

, 2x+1 khix >3 . , &

Cho ham sb f(x)= _ ( a la tham sb thwc). Néu _[f(ex +1)e'dx =¢’
ax—3a+7 khix<3 )
thi a bang
2
A 46 B. 6e—6. C. 66 +6. D. —6e+6.
e-1
Loi gii
Chon B
Tacdt f 3 =Ilimf x =7=Ilimf x
X—3" x—3"

= hamsbé f X lién tuc tai x=23.

bat t=e* +1= dt =e*dx
Poican: x=1=t=2;x=1=>t=e+1
e+l 3 e+l
Khido [ f(t)dt=e’ < [(at—3a+7)dt+ [ (2t+1)dt=e’.

2 2 3

at? ’
= (7 —3at + Ytj

+(t2+t)
@(ga—gm21]—(2a—6a+14)+[(e+1)2 +(e+1)|-(3°+3)=¢"

e+l

:e2

3

2

& a=6e—-6.
. 2x+1 khi x >3 . .} y
Cho ham so f (x)= ) (a la tham s6 thuc). Néu If(ex+1)exdx:e thi
ax—3a+7 Kkhix<3 0
a bang
2
A.?’e+—4i_6. B. 6e 6. C. 6e+6. D. —6e+6.
e_
Loi giai
Chon B
Taco f =lim f =7=Ilimf ham sé f (x) lién i x=3.
aco f(3) lim (x) lim (x) = hamso f(x) lién tyc tai x
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batt=¢"+1= dt =e*dx.
Doican: x=0=>t=2x=1=>t=e+1

e+1 3 e+l
Khidé [ f(t)t=e’< [(at-3a+7)dt+ [ (2t+1)dt=e’.
2 2 3

3
+1 2

+(tP+t)  =e

e
3

2
= (%—3& + 7tj

2

<:>(%a—gavt21)—(2a—6a+14)+[(e+1)2 +(e+1)]—(32 +3):92

< a=6e-06.
| ),
Cau 20: Cho ham so f(x) c6 dao ham trén R thoa man f(2)=3, J-de=2, jxf’(x)dX:B.
1 X 0
1
Tinh jf(x)dx.
0
A. 5. B.1. C. 2. D. 3.
Loi giai
Chon C
}f(ﬁ):I
e Goi A= X.
L X
Pat Vx =t = -2 _dt = dx = 2/xdt.
24x
2 2
x=1=t=1; x:4:>t=2:A=jM=2jf(t)dt
1 X 1

2
Ma A=2= [ f(x)dx=1.
1

2
e Goi B= Ixf "(x)dx.
0

Taco: B :j;xf’(x)dx=jxd( f(x))=xf (x)‘z —_Z f(x)dx = 2f (2)—@ f(x)dx.

0

2 2
Ma f(2)=3vaB=3=6-[f(x)dx=3= [f(x)dx=3.
0
1 2 2
Vay If(x)dx:jf(x)dx—jf(x)dx:3—1:2.
0 0 1

Cau2l: Cho ham sb f (X) c6 dao ham lién tuc trén R va thoa man f(x3 + 3X +1) =3x+2, VxeR.
5
Tich phan _[x.f'(x)dx béng
1

AL B. 2. c. . p. 2.
4 4 4 4

Loi giai

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 20



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Chon B
Tir f(x*+3x+1)=3x+2 va3x*+3>0,VxeR taco f(1)=2, f(5)=5

va (3x*+3) £ (X° +3x+1) = (3x* +3)(3x + 2), Vx e R.

1

Do d6 _[(BX2 +3) f (x:“+3x+1)dx:'1[(3x2 +3)(3x+2)dx hay if(u)du :57?.
?" 05 33 l

Ta co: jx.f'(x)dx=5.f(5)—f(1)—jf(x)dx=?
1 1

Cau 22: Cho ham sé f (x)lién tuc trén (0;+c0) va thoa mén 2f (x)+ xf (1j= X V6éi moi x> 0. Tinh

_[ff(x)dx.

2

A. 1 B.

12

M
0
M| ©
O
Nl w

Lai giai
Chon D

Xét trén (0;+o0):

Thay x bai 1 taco: 2f (—j-i-
X

2f(x)+xf(1j:x f(x)= 3

X

Ta co: & L
f(x)+2xf(1j:1 f(ljzz X _ x
X X 3X 3
2 22x-1 3
Vay J.; f(x)dx:fi 3 dx:z.

Cau23: Chohamsé f(x) liéntuctrén R va c6 mot nguyén ham la ham s6 g(x)= % x* —x+1.Khido

Chon C
Taco f (x):[g(x)], =x-1= f(x*)=x"-1.
2

Khi do [ f(x*)dx =j(x2 ~1)dx =[X?_Xj

1
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Cau 24:

Céu 25:

Cho hamsb y = f( ) lién tuc trén R va_[ dX 6. Tinh I[Xf -x*f (X3)]dx.
0
1
A 0. B. -1. C. 1 D. 3
Loi giai
Chon C

*Taco | :jxf (xz)dx—szf (x3)dx= A-B.

0
+ Tinh A:.l[xf (x2
0

bit t = x* = dt = 2xdx .
P6i can: Khi x=0=t=0; Khi x=1=1t=1.

Taco A——I dt— I dx 3.

O

* Tinh B = Ixf dx

bit t = x* = dt = 3x%dx.
Pdican: Khi x=0=1t=0;Khi x=1=t=1.

Suy ra B——J. dt—% dx 2.

0

Vay | =A-B=3-2=1.

Cho hamsb y = f( ) lién tuc trén R VaJ. dx 6. Tinh J.[Xf Xzf(x3)]dx.
1
A 0. B. -1. C. 1 D. 3
Loi gidi
Chon C

*Taco | :jxf (xz)dx—_l[xzf (x3)dx: A-B.
0

0
+ Tinh A:Jl'xf (x2
0

bit t = x> = dt = 2xdx.
Do6ican: Khi x=0=t=0;Khi x=1=t=1.

TacoA_—j dt_—J' x)dx = 3.
+ Tinh B= Ixf dx

bit t = x> = dt = 3x%dx.
Do6ican: Khi x=0=t=0; Khi x=1=t=1.
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1; 1¢
Suy ra Bzg_l.f(t)dtzé_([f(x)dx=2.

Vay | =A-B=3-2=1.
Cau26: Cho hai ham s6 y=f(x),y=g(x) c6 dao ham trén R va théa man f'(x)+g(X)=x;
9'(x)+ f(x)=—-x, véi vxeR.Biét f(0)=g(0)=1.Tinh f(1).

2 2
NS B.etT 2. c. &2 D. &2
e e 2e 2e
Loi giai
Chon B

viy g(x) =212 gy
*Taco: f'(x)+g(x)=x
o f (x)+e%—f(x):x

o f(x)e™ - f(x)e* =xe™ - 27

= [ f (x)e’X]' =xe ¥ —2e¥,

Vi ham s6 c6 dao ham trén R nén ta c6:

L 1
j[f (X)e’X] dx=j[xe’X —2e’2X]dx = f(x)e*XZ — (-xe™ —¢™* +esz)Z
0 0
1.1 2 1
< f(1)e =2 e+1c>f(1)—e+e 2

Viy f(1)=S+e-2.
Cau27: Chohamsd f(x)=x""" +sinx + 2021. Biét ring c6 duy nhét gia tri cia
m:—% (v6i a,beN" va (a,b)=1) dé I(x.f'(m—x)— f(x))dx=1.Tim a+b.
A. a+b=2021. B. a+b=2023. C. a+b=2020. D. a+b=2022.

Loi giai
Chon D
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Céu 28:

Cau 29:

Taco j(xf(m x) — f (x))dx = 1<:>jxf(m X)dx — jf(x)dx 1

+Tf(m—x)dx—jf(x)dx=1

0

e[-xf(m=-x)]

& —mf (0) —T f (t)dt —T f(x)dx =1
& —2021m +T f (t)dt —T f (x)dx =1

m=—L Vay a=1b=2021=a+hb=2022.
2021
Cho ham s6 y = f (x) c6 dao ham cap hai f”(X) lién tuc trén doan [O;l] ddng thoi thoa méan

diéukién f(0)=f(1)=1 f'(0)=2021. Ménh d nao sau day ding?

1 1
A. j(l—x) f(x)dx = —2021. B. [(1—x) f(x)dx=2021.
0
1 1
C. I(l x) f"(x)dx =1.D. I(l—x) f(x)dx =-1.
0 0
Léi gidi
Chon A
1 1
Taco j(l—x) f”(x)dx:j(l—x)df’(x)
0 0
1 1
:(1—x)f’(x)o+jf’(x)dx
0
——£'(0)+ f (1) f(0)=-2021.
1
Vay [(1-x) f"(x)dx=—-2021.
0
.z . . 1 X* +2X+3 _ )
Cho ham s0 f(x) lién tyc trén doan [0;1] va f(x)+ f(l—x)=—l ,Vx €[0;1]. Tinh
X +
1
jf(x)dx
0
A.§+2In2 B.§+2In2. C.§+In2. D.3+In2.
4 2 4
Loi giai
Chon C

1 1
Taludn cé f(x) lién tyc trén doan [0;1] thi _[ f(1-x)dx= I f (x)dx
0 0

2
Léy tich phan tir 0 dén 1 hai vé cua dang thire f(x)+ f(1—x) =LX1+3 ta duoc:
X +
1 1.2
2 £ (x)ok =[ X223 g :§+2|n2:>j x)dx =+ In2.
J ] 2 4
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8 4 3
Cau30: Biét [ f(x)dx=10,| f(x)dx=—4.Tinh [ f(|3x—1)dx.
0 0 -1
A 2. B. 1. C.0. D. 4.
Loi gidi
Chon A

f(1-3x)dx+ | f (3x—1)dx=A+B

|
L e— i

| =if(|3x—l|)dx=

00 | 1 C—y 0

bat u=1-3x= du =-3dx
Xx=-1l=u=4

x:1:>u:0
1% 14 4
Khi d6 Azg.([f(u)du:é_l‘f(x)dx:?
bat t =3x —1= dt=3dx
x—l:tzo
3
X=3=>1t=8
; 1} 10
Khidéd B==|f(u)du==|f dx =—
ido j(u)u J'(x)xs

Cau 31: Cho ham s

X | =00 -2 -1 ! +00
Y + | + 0 - 0 +
2021 +00
y 2 \ /
—00 — g

1
2 3§
Gidtri 1 = | f'(2x)dx+j%xbéng
-1 0
A 3. B. 2021. C.5. D. 10.
L digiai
Chon A

1

2
Xétl, = [ £'(2x)dx
-1

Déth:t:dx:%
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Céu 32:

Khix:—lzt:—z;x:%:tzl

Tacéllz'sz’(ZX)dx:jf’( t)—

3 I

Xét | _j

0

batx+1=u=dx=du
Khix=0=u=1x=3=u=4

Tacélz—f X+1 j du— If —jf’(x)dx
0 1

Col=1+1,

17 f(

_5£ X)dx + = jf

_1“ ( tof(4)-f(-2) 8-2

_EL )_2_ 2 =5 3

Cho ham s6 f (X) lién tuc trén R va thoa man f ( ) f (5 X) vx e R . Biét '[

3
Tinh 1 :jxf (x)dx

2
A. | =20. B. I =10.
Chon D
batt=5-x= dx =—dt.
Cho x=2=t=3x=3=>t=2.

I :J%xf (x)dx=i(5—t) f(5—t)dt
=|(5-x) f(5-x)dx

3
5f(5—x)dx—jxf (5—x)dx
2
3

f (x)dx—J-xf (x)dx

2

Il
N 0 N ey 0 N Sy

(62}

3 3
= 2J.xf (x)dx = j5f (x)dx=5.2=10
2

2

3
o J.xf (x)dx =5.
2

dx 2.

C. 1 =15 D.
Loi giai
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Cau33: Cho ham s f (x)co dao ham lién tuc trén R va théa man cac diéu kién sau: f (0)=-2va

N&)

(x*+1) £/(x) +xf (x) =—x, ¥xeR. Tinh tich phan 1 = jxf (x)dx.

0

A.IzE. B.I:—§ C.|:§.

2 2 2

Loi gidi
Chon D
o(x2+1)f’(x)+xf(x):—x
X
SAxA+1 f x g (x)=—
\/x +1 () x?+1

<:>[\/x2 +1.f (x)} :(—\/x2 +1)'
oA +LE(x)=—x*+1+C.
e £(0)=—2 = JLf(0)=—V1+C=>C=-1,
o VX +Lf(X)=—VX*+1-1 = f(x)=-1- 1

x/x2+1'

Khi do:

:Jf :Jf }dx [—%XZ—M}

NE)

0

Cau 34: Chohamsd y= f(X) lién tyc trén R va théa man 2021f (

A= B L 2

2022 1010 2019
Loi giai
Chon B
9 \ ¢ b

Bo dé: [ f(x)dx = [(a+b—x)dx
% % —7T T %

=1 :__[[ f(x)dx=__|; f(7+5—xjdx::[[ f (—x)dx
2 2 7

Tac6: 2021f (x)— f (—x)=xsinx

L4y tich phan 2 vé, can tir % dén %

NN

dx—j f(—x)dx = | xsinxdx

-

2

2
— 2021 j
5

NH,‘—»M\N
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Nguyén ham, tich phén va Ung dung

Céu 35:

2
<:>2021I f(x)dx - xsin xdx

f (x)dx =

NH"—.N\N

< 2020 Xsin xdx

N!—,y\)‘ﬁ N
|
NHI‘_"\"“ N‘:;'—I’\"N

f (x)dx

<2020 | f(x)dx=2

MH"—.M\N r\)‘

2 1
A==
2020 1010

0
— N
—
—_—
—

NI

Gia sir ham s6 f (X) lién tuc va luén duong trén doan[O;e] thoa man f (X).f (e - X) =1. Tinh

e

tichphan | = d
ich phan £1+ ) X
A l=e. B.1=2 c.1=2¢ D.1=2,
2 3 3
Loi giai
Chon B
, 1 1 fe-x)+1
o Taco: f(x).f(e-x)=1= f(x)= 1+ f(x)=1 =
aco: f(x).f(e-x)=1= f(x) f(e—x): + f(x) +f(e—x) flo—x)
Khido —+ - €% 1
1+ f(x) 1+ f(e—x) 1+ f(e—x)
e 1 e e 1
Do do: = |1dx — d
0 I T (X) I X -([1+f(e—x) X

* Xét: Izj

0

X
1+ f(x)
biat x=e—t = dx=—dt.
I x=0=>t=e
Do1 can: .

x=e=>t=0

S 1 ¢ —dt S dt ‘ dx
I:£1+f(x)dx:£1+f(e—t):I1+f(e—t):I1+f(e—x) (2)

0 0

* Tir (1) va (2) ta duoc: 21 =e = | :%.
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Céch 2. Chonham f(x)=1= f(e—-x)=1=1=

1 ¢l
dx=[Zdx ==
x)X-EZX

Cau36: Cho ham s6 y=f(x) c6 dao ham lién tuc trén R, théa min

0

6
f(X*+2x+3)=X* +4x* +3x* + 6x+2, véi moi x € R. Tinh tich phan | = j f (x)dx.

A @ B. 1976232. C. % D 12_5
35 5 24 48
Loi gidi
Chon D

Lay tich phan hai vé, ta dugc:

Céu 37: j(3x2+2)f(x3+2x+3)dx=j(sxz+2)(x6+4x4+3x3+6x+2)dx@jf(t)dt_¥ (SGD
-1 -1 0

VINH PHUC - LAN 2 - 2021) Cho ham sb y = f (x) c6 dao ham lién tyc trén R va théa man

T

2
f(x)+ f(%—xj:sinx.cosx,vXeR.Biét f(0)=0, tinh | :jxf’(x)dx
0

Al=_2 B.1=1. c.1==2. D.1=-2,
4 4 4 4
Loi giai
Chon A
Do f(x )+f(——xj smxcosx:>f(%j+f(0):0:>f(zjzo
% T % T T %
Tach If(——xjdx:—ff(——x}d(——xjﬂ'f(x)dx.
0 2 0 2 2 0
] : 3
Do f(x)+ f(——xj:sinx.cosx:ﬂ.[ x)dx == _[ |n2xdx_——0032x|2 ==
2 ) 2

Khi @6 f( )dx:%.

O [y

V4

xd(f(x)):x.f(x)|§—if(x)dx:%f(gj—%:—%.

S R

2
Vay | :Ixf'(x)dx:
0

Cau38: Chohamsd y= f(x) lién tuc trén R va thoa man f (X3 + 2X) =4x—-1 vé6imoi xe R . Gia tri
3
cua tich phan _[ f (x)dx bing
0
A 2. B. 1. C. 3. D. 4.
Lo giai
Chon D
Taco: f(x°+2x)=4x-1=>(3x"+2).f (x*+2x) = (4x-1)(3x* +2)
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& (3% +2).f (x*+2x) =12x° +8x - 3x* - 2
:j. 3x? +2 x +2x)dx:j.(12x3+8x—3x2—2)dx:4<:>j.(3x2+2).f(x3+2x)dx:4
0 0 0

Pt x° +2x =t = (3x* + 2)dx = dt

¢ Q 3

= 4= j.(sz + 2).f (x3 + 2x)dx :j. f(t)dt= j. f(x)dx.

Cau 39: Cho ham sb f (x) lién tuc va xdc dinh trén R thoa man f(2-x)+2f(x)=3x"+2. Gié tri

L " 13f(\/3x+1)
cua tichphan | = | x X +
" P l. )d I 4+/3x +1
A. 1. B. 3. C. 2. D. 4.
Loi giai
Chon C

+) Xét A:jxf (x2
0

bit t = x* = dt = 2xdx
X=0=1t=0; x=1=t=1

ll
S A==[f(t)t.
uy ra 2! (t)
13f(\/3x+1)
+) Xét B = j oSl

Pitt=Bxrlodi=— > dx— ¥ _24
24/3x+1 J3x+1 3

X=0=>t=1; x=1=>t=2

+) Theo dé f(2—x)+2f (x)=3x*+2

:>j.f (2—x)dx+j.2f (x)dx:j.(3x2 +2)dX (1)

0
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2
Xét J. f(2—x)dx

batt=2-x=dt =—dx
X=0=>t=2; x=2=1t=0

<:>§f dt+2j x)dx =12

< | f(x) dx+2j x)dx =12

Oy

=3[ f(x)dx= 12@j x)dx = 4,

O ey N

Viy | :%:[f(t)dtzéif(x)dx:z.
f(¥%) nx
4x\/; -

. Biét

Cau40: Cho ham sé f(x) lién tyc trén (O;+00) va théa man f(x*+1)+

17

J-f(x)dX:aIn4—b v6i a, beZ. Giatri ciia a+2b bang

1

A. 20. B. 16. C.12. D. 8.
Loi gidi

Chon A

f(\/;) Inx

=— & 2xf (x2+1)+

axfx  x

Lay tich phan tir 1 dén 4 ¢4 hai vé ctia (1) ta dugc

Tacod f(x2 +1)+

}ZXf (x? +1)dx+j4' f (&)dx :jl'ZIn xdx (1)

L 2
f—j'xd(ln x)} :2{4In4—j:'1dxj:2(4In4—xi1

1

4
Taco J'Zln xdx = Z{XH’IX

J:8m4—6

Taco j'fo (x2 +1)dx :j f (x2 +1)d(x2 +1) :lJZ f(t)dt :T f (x)dx (¢ day ta dat t = x* +1).
1 1

2 2

4
Laico I
1

jf(&)d(ﬁ)zjf(t)dt:jf(x)dx.(édéytadatt=\/§)-

17
():>J'f(x dx+j x)dx =8In4 - 6<:>I x)dx =8In4-6.
2

Suyraa=8;b=6=>a+2b=8+2.6=20.
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Cau 41:

Cau 42:

Cho ham s6 y = f(x) c6 dao ham f'(x) lién tuc trén R. Mién hinh phing trong hinh vé& dugc

gioi han boi dd thi ham sb y = f'(x) va truc hoanh dong thoi c6 dién tich S =a. Biét ring
1

1
j(x+1)f'(x)dx:b va f(3)=c. Gia tri cua jf(x)dx bang
0

0
7 f’(ﬂ7
(0] 3/

1\/ T

A.a-b-c. B. -a+b+c. C.-a+b-c. D.a-b+c.
Loi giai

Chon D

Ta co:

a=S :j.f’(x)dx—.sff’(x)dx<:>2f(1)—f(O)—f(3)=a<:>2f(1)—f(0):a+c (@))

, ta co:

1 =Xx+1 du=d
Xét b:j(x+1)f’(x)dx.Dét {u x :>{ =
0

dv=f'(x)dx |v="f(x)
b:(x+1)f(x)‘z—jf(x)dx:Zf(l)— f (O)—jf(x)dxaj‘f(x)dx:Zf (1)-f(0)-b (2

1
Tu (1) va (2) suy ra duoc: _[ f(x)dx=a+c-b.
0

Chohamsé y = f(X) x4c dinh trén khoang (0;+c) thoa man T _ f(x)+ f'(x)—e™ dong
X

thoi f(1)= % Tinh gié tri cta f(2).

A. f(2)=e?(1+2In2). B. f(2)=e?(3+2In2).
C. f(2)=e?(2+In3).D. f(2)=2e7(1+In2).
Loi giai
Chon D
Ta co:
f(x) . ( 1] ) e e') ¢ 1
g fr(x)—e™ e F(X)|1-2 |+ f'(x)=e* e ()| -2 [+ f1(x)=2
Dt ri0 e e 112 (= e 1 (0] © -] S =2
e) 1
f(x)—|==.
<:>( (x) XJ ,
Lay tich phan hai vé:
2 O\ 2 x |2 2 2
!(f(x).%}dx=ﬁdxe{f(x).%}l=lnx1@f(2).%—e.f(1)=|n2
@f(z):2'822+e%@f(z):ze-2(1+|nz).
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Céu 43:

Cau 44:

1
Cho ham s6 f(x) lién tuc trén [-L1] théa man f(x)—l:j(x+et)f(t)dt. Tich phan

1
'[exf (x)dx bang
]
2 2
Al=—t3 g P8 oo 8F3 0 p o
—-e“+e-3 e"—e+3 —-e“+e-3 e“—e+3
Loi giai

Chon C

Tacod: f(x)—lzj(x+e‘)f dt = xj dt+_[ef

-1

j dt+jef t)dt +1
1

Pat a= [ f(t)dtb= jef t)dt+1,khido f(x)=ax+b
-1

f(x)= le'(at+b)dt+je‘(at+b)dt+1

at? 1
= x(— + btJ
2 —

1
+I(at+b)de‘+1

1 -1

:2bx+{((at+b jaedt}l
2
:2bx+[(a+b)e—(—a+b)e’l—a(e—e*l)}+1:2bx :be ~-b+2a+e
e
a=2b a= 2—2e
Ma f(x)=ax+b= b be’ ~b+2a+e ¢ _2+3
= b= _
¢ e’—e+3
= f(x)= —2¢ w4 ©
e’—e+3 e’-e+3
1 1
el ot
e?—e+3 e°—e+3 ec—-e+3 e"-e+3 )|, e —e+3
—e _De _e?_3
e*f (x)dx = ~1-x 3 ‘= |
:>'[1 ) I S —e+3 e e+3 e-e+3 e’ -e+3

Cho ham sb f(X) lién tuc va c¢6 dao ham trén [—2;2] thoa man

2re2 64 (X)
j_z[f (x)-2f(x)(x+2)]dx:—? Tinh |_j0

x? +1
A.I=ﬂ_2|n2. B.|=”"n2. C.I=ﬂ+|n2. D.I=”+2In2.
2 2 2 2
Loi giai
Chon C
Taco
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Cau 45:

64
jfz[fz(x)—zf(x)(x+2)]dx_——@j [F(x)~ (x+2)] dx— jx+2 >
2 2 .
[ [F)-(x+2)]dx=0
Suyra f(x)=x+2.
fX+2
S | = dx .
e £x2+1 X
Dat X=t<’:1n'{t6[—Z zD:dx (1+tan2t)dt.
2'2
: .
Suy ra J-tant+2 1+ tan t)dt:(—ln|cost|+2t)‘4=—|n£ 7 _ |n2+7z.

1
Cho f(x) la ham sé lién tuc co dao ham f'(x) trén [0;1], f(0)=0. Biét I[f’(x)]zdx:%,
0

1
1 2
[ f(x)dx= —%. Khi do [ f(x)dx bang:
0 0

2 B. 0 c.-=. D. >
48 6 23
Loi giai
Chon A

dv = dx V=X
=N [xf(x)] —ixf’(x)dx=—% =N f(l)—ixf’(x)dx=—1 =

Ta co: j;[ f '(x)]zdx—zl'(x—l) f’(x)dx+i.(x—1)2 dx =

= :[[f’(x)—(x—l)]zdx:o = f'(x)=x-1= f(x):%z—x+C

X2

Do f(0)=0nén C=0. Do do f(x):?—x

[

N R

| =

5

0 48
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Cau46: Cho ham sb f(x) c6 dao ham lién tyc trén R va thoa man f(1)=0 ,

f’(x).f(x)=2x1/f2(x)+1, Vx e[L;+00). Tinh f%(2).

A. 1. B. 15. C.3. D. 24.
Loi gidi

Chon B

aco f'(x).f(x)=2x 2x+<:>M:x<:> 2(x)+1) =2x
Taco f'(x).f(x)=2xf?(x)+1 WZ (F2()+1) =2x.

Suy ra fz(x)+1=J'2xdx=x2+C (CeR).
Thay x =1 vao ta dugc /f?(1)+1=1"+C=C=0.

Suy ra [ f?(x)+1=x%, hay f*(x)=x"-1.

Vay f2(2)=2"-1=15.

f(\/;) Inx
Cau47: Cho ham s6 f(x) lién tuc trén (O; a théa man f(x*+1 =— . Biét
au (0] am SO (X) 1en tuC tren ( +OO) va 0a man (X + )+ 4X\/; y 1€
17
jf(x)dX:a|n4—b v6i a,b e R . Gia tri ciia a+2b bing
1
A. 16. B.12. C. 8. D. 20.
Loi gidi
Chon D
f(¥%) nx f (V)
Taco: f(x*+1 =—— o 2xf(x*+1 =2Inx
(+)+4x\/§ e (+)+2\/;
4 4f(\/;) 4 17 2 A
& [2xt (x2+1)dx+Ide:2jlnxdx & [ F(u)du+ [ f(v)dv=2(xInx—x)|
1 1 X 1 2 1

17
@If(x)dx:8ln4—6.
1

Vay a+2b=8+2.6=20.

Cau48: Cho f(x) c6 dao ham trén R va thoa man 3f'(x)e" ™™ - f22(x )=0, voi VxeR. Biet
X
Nid
f(0)=1, tinh tich phan | = j x.f (x)dx.
0
A.g. B.E. C.l—l. D.E.
2 8 2 4
Loi giai
Chon B
z ' 3(x)-x2 = 2X ' 3(x)-x2 = 2X
Tacé: 3f'(x)e" - fz(x)zo 3.f(x)e" Wt = 200
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Cau 49:

Cau 50:

Do f(0)=1<C=0.

Suyra: e’ M =e’t o f3(x)=x2+1le f(x)=UxP+1.

0 o 1, i, 13, Y 45
Khi do: I:Ix.f(x)dx:Ix. X +1 dx:—.I(x +1d(X +1) == (P +1)3 =—.
0 0 2 24 o 8
2 khi0<x<t 3
Chohamsé y=f(X)=1 x+1 . 2 Tich phan Isin 2x.f'(sinx)dx bang
2x—1 khiESXsl 0
3 3
A E—4In3+4|n2. B. E+4In3+4|n2.
3 3
C. —E+4In3+4ln2. D. §+4In3—4ln2.
Loi giai
Chon A
2 2
Isian.f’(sinx)dx:IZsinx.cosx.f’(sinx)dx
0 0
3 )
bat t=sinx taco | :j23in x.cosx.f’(sinx)dx:_[Zt.f’(t)dt
0 0
_ fu=t du =dt
bat =
{dv= f1(t)dt {v= f(t)
1
1 1 2 1
| :IZt.f'(t)dt:Z(t.f(t)ﬁ)—j f (t)dt]:Z 1- [ f(t)dt—[ f(t)dt
0 0 0 %
1
22 h 3
=2|1- [ =dt—[(2t-1)dt | = =-4In3+4In2
o t+1 1 2
2
Cho ham sé f(x), f(—x) lién tuc trén R va théa man 2f(x)+3f(—x):4 1 ~ . Tinh
+ X
2
| = I f (x)dx
-2
A = B.-—C -~ D=
20 20 10 10
Loi giai
Chon A
, L 203t (x)=
Taco: 2 (x)+3F (—x) = —— = 2f (—x) +3f () = —— = A x
4+X 4+X 1
2f(—x)+3f(x)=4 2
+
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131}1

:f(X)ZS(x2+4) 5%

bat x= 2tant(

I\)|§1

<t< Z):dx 2(1+ tan’t)dt
2

a 2 Z z
SN G B Y
57 4(1+tan’t) 572 10|z 20
4 4

Cau51: Cho ham sb y=f(X) xac dinh va lién tuc trén R c6 f(x)>0vxeR, f(1)=e’. Biét
=2x+1,VxeR. Tim tat ca gia tri cia tham s m dé phuong trinh f(x)=m co hai

nghiém thuc phan biét.
3 3 3 3
A. m>et. B.O<m<e?. C.l<m<e?. D. m>e*.
Loi gidi
Chon D

Taco f (X):2x+l, VXERSI%X:I(2X+1)(JXD|Hf(X):X2+X+C

f(x) (x)
f(l)=e°=me*=2+C=C=1.Dodo f(x)=e gt

Phuong trinh f (x)=m s ome x2+x+1-Inm=0 (m>0).
3

Dé phuong trinh c6 hai nghiém phan biét <> A=1-4(1-Inm)>0< Inm> g < m>et.

1
Cau52: Cho f(x) lién tuc trén R va 3f (=x)+2f (x)=x", wxeR. Tinh 1 = [ f(x)dx
0
Al=L B.1=" C. 1=55. D. 1=11,
55 11
Loi gidi
Chon A
Thay x bdi —x, ta cling co: 3f (X)+2f (—X):Xm, VX e R. Khi d9, ta s& co:
3f (x)+2f (—x)=[3f (—x)+2f (x) | =X =x* <= f(x) = f(-x).

Do vy nén tir dé, ta c6 5f (x)=x"° < f(x):%xm.

Cau53: .Cho ham sd f (X) lién tuc, <¢6 dao ham  trén {%1,%} thoa

1 1
2 2 f .
T (02 (x)(3-x) ] =—22 kni a6 [T %o bing
1 R
2
A. Inz. B. InE. C. Inz. D. Ing.
9 9 9 9
Loi giai
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ChonC
j[f )(3—x)]dx —%@i[f(x)—(3—x)]2dx:—%+i(S—x)zdx

1 1 1

2 2 2 1
Dodéjz'f(x)dx:j._)zﬁsz.zf(— 2 + 1 ]dx:(—ZIn|x+JJ+In|x—1|)‘§:Ing.

0 0 0 -

Caub54: Cho ham s6 y=f(x) c6 dao ham lién tuc trén doan [0;1] thoa man

f2(x)—xf (x) f'(x)=2x+4,vxe[0;1].
1

Biét f(L)=3. Tichphan [ f?(x)ix bing
0

A. 19. B. 13. C. 9 D. E
3 3

Li giai
Chon C
f2(x)=xf (x) f'(X)=2x+4 < f2(x)=xf (x) f'(x)+2x+4

1 1 1 1 1
:>J. f2(x) dx=jxf (x) f'(x)dx+'|.(2x+4)dx <:>I f2(x) dx=fxf (x) f'(x)dx+5 (*).
0 0 0 0 0
1 1
bat | = .[ f 2(X)dx, tinh tich phan Ixf (x) f'(x)dx bang phuong phéap ting phan:
0 0
bit u=x=du=dx; dv= f(x)f’(x)dx:v:%fz(x),

1

1
ta co Ixf (x) f'(x)dx = %x.fz(x)
0

Thay vao (*): Izg—%l 1501 =2

1
Vay _[fz(x)dx:%.
0

N\§

Cau55: Chohamsb y= f(X) lién tuc trén doan 0; 1 va J Slnx dX 2021. Tinh | —Ixf Sln X)d

A. 1 =2021. B. I =1010~. C. 1 :%. D. | =2021x.

Loi giai
Chon D
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Cau56: Cho ham sb f(x) théa man f(4)=g va f(x):x(l+

Cau 57:

xf (sinx)dx + ]Z'xf (sinx)dx (1)

Ot |y

Taco | :]Exf (sinx)dx =
° 2
Dat |1:]£Xf (sinx)dx
2

batt=7—x= dt =—dx

- i(ﬁ 0) [sin(ﬁ—t)](-dt)zj(ﬁ—t)f(sint)dt
=1, = if(smx)dx Exf(sinx)dx (2)

2
T (1) va (2) ta suy raduogc | = J. SInX dX 2021r.
0

J. Xf dx bang
) o, 55T c 1
30 30 30
Loi giai
Chon B.

—f’(x)j , Vx>0 . Khi d6

1
N

1283
30

Vx> 0 ta co: f(x)+xf’(x):x+\&<:>(x.f(x))' =X ++/X.

. .y x> 2
LAy nguyén ham hai vé ta dugc: x.f (X):?+§X x+C.

Ma f(4):g:>C:—8.

2
:>xf(x):X?+gx«/§—8.
Vay _[ xf x)dx = .[(—+ /X —8 Jd 157

Cho ham s6 f(X) c6 dao ham xac dinh ten R . Biét f(1)=2 va
1 41 \/_ 1 .
j x)dx=j ok (2—\&)dx=4.GiétricﬁaJ'f(x)dx bing
0 1 0
Al B.2. c.2

7 7

Loi giai

Chon D
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—ijf (X )dx

Ta co: 4:j'x2f’(x)dx=Jl'x2d(f(x)):(xzf X

<4=1(1 ijf (X)dx = 4=2— Z.fxf (x)dx :>ij (x)dx=-1

xe [ES ¢ (0o o

bt t=2—\/§:>dt:—idx,

2/x

Véi X=1=t=1va x=4=1t=0,

Khi do 4{1;3*;& f (2—\/;)dx:—j;[l+3(2—t)] f (t)dt

<:>4:j(7—3t) f (t)dt ©4=7j f (t)dt—3jtf (t)dt @4=7j f(t)dt—-3(-1) < | f(t)dt :%.

0

O ey

1
Vay jf(x)dx:1
5 7

3
Cau58: Cho ham sé f z théoa man f[Qxln t+1 +zf zldt=0 va f3 =1 . Biét

0

1 2 14 N
ff _ ot bl vOi a,b 1a cac sO nguyén duong. Giatricua a + b 1a
A. 35. B. 7. C. 11. D. 29.

Loi giai
Chon A

3

f[?xlna:+1 + af x]x—0<:>flnm+1d +fxf'xda:—0

0
3

2 1
+I = |Inz+1d 22 =2°In z+1 > — z =9In4 — z—1+ T
! f ‘0 Jo‘xﬁ—l [ z+1

0

2
I :91114—[%—:1:]‘3—111 z+1 ‘f; :91n4—g—1n4

3
[, =162 —.(1)

i d(f(x)= xf(x)‘g—if(x)dx:3f(3)—jif(x)dx:3—j‘f(x)dx.(2)

Tu(l)(2)tacol6|n2—g+3 jf(x)dx O<:>If(x)dx 162+ —32'”22+3

=a+b=32+3=35.

3x> khio<x<1

Cau59: Cho ham s6 y:f(x)z{4 Chi 1<y <o
~-x khil<x<

2
. Tinh tich phan I f (x)dx
0

A.Z. B. 1. C.E. D.§.
2 2 2
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Loi giai
Chon A
Taco
j X)dx = j f(

dx+j dx_I(Sx dx+j4 x
0

3 2

_ 3x ’ x?
+| 4X——
3 1 [ Zj

7

>

1

Cau 60: Cho ham sb f (x) x4c dinh va c6 dao ham f'(x) lién tuc trén doan [1;3] va f(x)=0 voi moi
e [1;3], ddng thoi f'(x)(1+f(x))zz[(f(x))z(x—l)} va f(1)=-1. Khldoif ) Ia:
A. —In3. B. In3. C.In2. D.-In2.

Loi giai

Chon A
- : 2 L PO () :
aco f'(x)(1+ f(x)) =|(f(x)) (x— & =(x-1)".

Tacb F((L 0 = (10 ()] e =)

L4y nguyén hamZVetaduocI [)il(;)f]( )) dx = jx 1

~ (1+2f(x)+[f(>:)])f’x N

[f(x)]

& ! ! =(X_1)3+C
ST A

S SR S =(x—1)3+ l+3f (x)+3[ f(x ] (X_1)3+C
L] [f0] T3 3[Lf(x)] 3

Ma f(1)=-1 nén -1__3+‘°’:c czé.

e L3OO (x-1)° 1 1+3F(0+3[F (0] 1 (x-1)
’ 3 f(x)] 3 3 3[f(x)] 3 3
Gt ol1e-2 3: —x)’ o f(x)=—

e vt e = 100-5

Vayi dx:i_?ldx:—ln|x|3:—ln3.

e“+m khi x>0
Cau 61:

Cho ham sb f {

2x+/3+ x% khix <0

(a,b,ceQ). Tong a+b+3c bing

A. 15. B. -10. C. -19.
Loi giai

Chon C

1 | Facebook tac gid: Phan Nhét Linh

1
lién tuc trén R va If(x)dx:ae+bJ§+c ,
-1

D. -17.



Nguyén ham, tich phén va Ung dung

Mit phang di qua A va vudéng goc voi duong thang d c6 mot véc-to phap tuyén Ta cO
lim f(x) = lim (*+m) =m+1, lim f (x)= lim (2xy3+* | =0 va f(0)=m-+1.
x—0" x—0" X—0~ x—0"

Vi ham sé da cho lién tuc trén R nén lién tuc tai x=0.
Suy ra Iim f(x)=Ilim f(x)=f(0) hay m+1=0<m=-1.

x—0"
1

Khidoj x)dx IZX\/3+X dx+_f e —1)dx J\/3+x d 3+x° +_|l- g —1)dx
0

0

=2 3+ X2 )3+ X?
23 o] +

(e —x)‘ _e+2\f

-1

Suyraa=1,b=2, c=—2—32.vayt6ng a+b+3c=-19.

z

s f
Cau62: Cho ham sb f(x) lién tyc trén R théa man J.tanxf cos? X dx J. ( )dx 6 . Tinh
1

Loi giai
Chon C

T

Xét |, = itan x.f (cos®x)dx =6.
0

bat t:coszx:>dt:—25inx.cosxdx.Béicén:x:0:>t=1;x:%:>t:

Al

V4 1
3 : 4 1 1
Khi do: I, = —= [ 220X 009X £ (cos? x)dx = —= | f(t)dtz_[ f(t)dt:6:>j f0) g
COS” X 29t A 12X
4 4
s f(Yx
Xét 1, = (X )dx:6

1

Dit t = ¥x = t3 = x = 3t%dt = dx.

2

_ _ 2 42
Khi {X_ljt L Taco |2=j—3t fa(t)dtze:»jwdxﬂ-

X=8=t=2 .t 12X
o onan 1 - f 1€
Xét tich phan I:j dx .
1 X
2
1 1
5 ) L | X=omt=—
biat t = x° = dt = 2xdx. Doi can 2 4
=2=t=2
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V2 2 2 1

Tac()I:I 5 dx:_ff(t)dt:jf(x)dx:jf(x)dwrf ()dx 6+1=7.
1 2 1 1 2 1 2
2 4 4 4

Cau 63: Cho hamsé f(x) c6 dao ham lién tuc trén doan [1;2] va théa man f(1)= —% va

f () +xF'(x) =(2x° +x*) £2(x), ¥x € [1;2]. Gié tri cia tich phan jlzxf (x)dx bing

A Inﬂ. B. In§. C. In3. D. 0.
3 4
Loi giai
Chon B
f(X) + xf'(x)

>— =2X+1
[xt (x)]

* Tur gid thiét, ta co f(x)+xF'(x) = (2¢ +x%) £2(x) =

:{ L }=—2X—12>L:J(—2X—l)dX:>LZ—XZ—X+C.

xf (X) xf (X) xf (X)
. f(1)=—1:>C:O:>xf(x)=— !
2 X(x+1)
1 X +1[° 3
= | xf(x)dx= =||—-=gdx=In—= =In—=.
I ) J.x(x+1) J‘(x+1 xjd X |
. 2_1khix>2 2 .
Cau 64: Chohamso f(x)= X X _ . Tinh tich phanj (2sinx+1)cosxdx bang
x> —2x+3 khi x<2 0
A2 5. 2 c ! 0. 17
3 6 6 3
Loi giai
Chon B
Ta co:

bit t = 2sinx +1= dt=2cos xdx , doi can: x:0:>t:1;x:%:>t:3.

2 . : 1., 1%
Va f(2 1 dx=|f(t)=dt==| f (x)dx.
_y! (2sinx+1)cosxdx ! ()2 2.1[ (x)dx
2_1 khi x>2
Mt khac ta co, f(x)= X ' nén
x> —2x+3 khi x<2

lji f(x)dx = %E’(XZ _ 2x+3)dX +i(xz _1) dx} _ % .
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Cau 65: Cho ham s6 y= f(x) xdc dinh va lién tuc trén R théa man f(x2 —x—2)= X +3 véi moi

xe R . Tich phan | = Ixf x)dx co gia tri 1a

AL B. 2 c. =0 p. =26
3 3 3 3
Loi gii
Chon C
+) Ta co f(xz—x—2):x+3:>(2x—1)f(xz—x—z):(ZX—l)(x+3)

:E(ZX—I)f(x —x—2)dx = !2x 1)(x+3)x.

2 2
+) Ta co I(Zx—l)(x+3)dx = I(sz +5x—3)dx :(§x3 +2X2 —3x}
0

0

+) Xét J%(Zx—l) f (x2 - x—2)dx

biat t=x* —x—2=dt =(2x-1)dx.

Voi x=0 thit=-2,v4i x=2thit=0

Suy ra i(2x—1) f(x*—x—2)dx = _T f(t)dt =

Le—o
—_
—
>
N—
o
>
Il
W]

0
Xét | = jx.f’(x)dx

it u=x du =dx
¢ dv:f'(x)dx:> v="f(x)
28 28 10

0
Khi do 1 = xf ( jf f(-2)-==23-2-_2
5 3 3 3

3x* +6x khix>2 f(In? x)
Cau 66: Cho hamsb f(x)= . Tich phan | = j;dx bing

2X-5

khix <2

A. 15+1In6. B. 15—1In6. C. 15+1In6. D. 15—1In6.
2 5 5 2
Loi giai
Chon B
2 2
Xét | :Imdx
xIn x

e
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2
£):§1tu:Inzx:>du:2|nde:2|n X dx = 2 dx = —— dx__du
X xIn x xInx xinx 2u
.. Xx=e=>u=1
Délcan:{ ) .
X=e"=>u=4
Khi do
__J-f(u)d _ If(x) J-f(x) J-f(x)dx
2 1 X 5 X
2 2 4
:l_[ 2 dx+j3x +6de :1 J#dx+j(3x+6)dx
2\1x(2x=5) 5 X 21 x(2x=5)
1420 1 1 32 1oafa 1 pax-s| |
=— —I( ——jdx+ —+6x| |==|=.=In +30
2| 59\2x-5 2x 2 , 215 2 2X L
:l g(—In6)+30 :15—1In6
2|5 5

Cau67: Cho him s6 f(x) théa man f(4):g va f(x)=x(1+%—f’(x)],w>0. Khi d6
X

4

Ixf (x)dx béng

1

A 1283 g o7 c o7 D _1283
30 30 30 30
Loi giai
Chon B
1 1 1 1
Taco = f(x)=1+—=-f'(x)= f'(x)+=f(X)=1+—F—.
LT()=1s - T (e 10+ 1 (=14 -

<:>xf’(x)+f(x):x+\/§<:>(xf(x))'=x+«/§
:>xf J'(x+\/§)dx=£x2+g\/x_3+C
Do f(4 ):% @422242 2B icec--8
= xf ( =%x2+§\/> 8.
Vi vay j'xf(x)dx: I( X2 += \/> jd 157
1
Cau 68: Cho hamsd y = f(X) c6 dao ham lién tuc trén (0,+oo) va théa man céc diéu kién f(1)=3 va

2f22(x) _(1+§J f(x)+ 5 = £(x),¥>0. Tinh }f(x)dx

3

X X X X
A. 6 —2In2. B. 6 + 4In2. C. 6 + 2In2. D. 8 + 4In2.
Loi giai
Chgn C
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. 2f%(x) (1 8 8 .,
Gia thiét: %—(;+X—jf(x)+—:f (x),vx>0
< 2802 (x) = x> f (x) —8xf (x)+8=x"'(x)

<:>2(x2f2(x)_4xf (X)+4)=x3[xf (%) + f (X)J
= Z[Xf (x)_2]2 _ xs[xf (x)]’ - £=M

X)-2 1 1
Do do [ £ ox- I—dx<:>——2+C=— ¢
2] X xf (x) -2

Thay x=1 wvao hé thuc (*), ta dugc: —1+C=—f(3]j_2<:>C=O
o1 1 (X)_x2+2

x> xf(x)-2 X

4 4 2 2
Véyjf(x)dx=jx 2 4y = X—+2In|x| 4=6+2In2.

5 5 X 2 2
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Tinh tich phan bang phwong phap vi phan

Céu 1: Neujzf x)dx = 3th|j (2x+1)dx

A. § B. 3. C.6 D.E
2 4
5
Cau 2: Tinhtich phan I :Jsmx
5 €0S° X
Ar-L. B.1-3. cor="42. D.1-2,
45 2 3 20 4

1
Cau3: Chohamsé f(x) thdaman f(0)=4 va f'(x)=x+e*, VxeR.Khido [ f(x)dx bing
0

A 6e+13. 5. 6e+25. c 68+25. D. 6e+19.
6 6 3 6

caus: Tichphan [ "% gx bing
o X

A.3. B. C. 1L D. 2.

N | W

1
Cau5: Chohamsé f(x) théaman f'(x)-f(x)=e™ va f(0)=%. Gia tri caa I f (x)dx bing
0

A.i+e—2. B.i+e—§. C.1+e—§. D.i+e—1.
2e 2e 2 e 2 2e

Cau6: Chohamsb f (x) lién tyc trén R va théa man f (0) =1 f '(X)— x. f (X) - xe*,vx. Tich phan
1
J.xf (\/x+1)dx bang
0
A e —e. B. 4/e —2e. C.1. D.e.
Cau7: Cho ham sé f(x) c6 dao ham va lién tuc trén R, théa man f’(x)+xf(x):2xe‘X2 va
f(0)=-2. Tinh f(1).
A f(1)=—e B. (1)
Caus8: Chohamsd f (x) lién tuc va xac dinh trén [O; 2] théa man déng thoi cac diéu kién
f’(l);t%, f(X)=0 voi VX=#1, (x=1).f'(x)+ f(x)=2f(x).f'(x) voi Vxe[0;2]. Gia tri cua
2 N
tich phan L f (x)dX bing:

A B. 1. C. D. 2.

Wl
N -
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Cau 9:

Cau 10:

Céu 11;

Cau 12:

Cau 13:

Céu 14:

T
2 2x®+sin?x—sinx
BletI

X+ COS X

dx = an’ +b|n%+c véi a,b,c 14 cac sb hitu ty. Tinh gia tri bidu thirc
0

T=8a+b+c?

A 8. B. 3. C.0. D. 1.

Cho ham sb f(x) lién tuc trén RA{0j thod man f(H)=0 , f(x);z:1 va
X

X2 £2(x)—(2x+1) f (x):xf’(x)—l, VXER\{O}.Tinh | :j‘ f(x)dx.

A. |=|n2—1. B. I:—InZ—E. C. I:—In2+£ D. I=In2+£
2 2 2 2
Cho ham s f (x) ¢ dao ham trén R , bidt (x+2) f (x)+(x-+1) f(x) =e®® va f(O):%ﬂ
.Tinh f(1).
2021 2020 2020 2020

AL B 1.8 c.le D. S|

2020 2 2020 2 2021 2021
Cho ham s0 y = f (X) c6 dao ham trén (0;+0) thoa man: x*.f'(x)+ f (x)=2x>+x*, vx>0.

Biét rang f (1)=0. Tinh gié tri cua f (%j

A l=e. B. I:e+1. C. |:l_ D. Izl—e.
4 4 4

Cho ham s6 F(x)= f(x)sinx+2020 1a mdt nguyén ham cta ham sé f'(x).cosx véi
1

VXE‘:O;%) va f(0)=1.Tinh I =T[f(x)]2(COSX—Si” x) dx

2
A Je-1. B. 2e+1. c. ¢ y 2 D. 393‘4.

Cho ham sb f (X) x4c dinh va c6 dao ham f '(X) lién tuc trén doan [1; 3] f (X) #0 v61 moi

xe[L;3] , dong thoi f'(X)(1+f(x))zz[(f(x))z(x—l)}2 va f(1)=-1 . Biét ring

f(x)dx=aln3+b (a,beZ). Tinh tong S =a+b’

> P C—

.S=4, B. S=0. C.S=2. D. S=-1.
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HUONG DAN GIAI CHI TIET

Céau 1: Neu_[Zf X)dx = 3th|j (2x+1)dx

A. § B. 3. C. 6. D. §
2 4
Loi giai
Chon D
. 17 1¢ 13 3
Taco | f(2x+1)dx==| f(2x+1)d(2x+1)==| f (X)dXx==.—=—.
Jl.(x+)x2!(x+)(x+)2£(x)x224
3
C&u 2: Tinh tich phan I:j sm5x dx.
5 COS” X
Ar=-L. B.1-3. coi=".2. D. 1=
45 2 3 20 4
Loi giai
Chon D
: : :
Taco | = [ e —dx :_jd(cofx): S ( )-8
5 COS” X . cos’x  4cos* | 4

1
Cau3: Chohamsé f(x) thdamén f(0)=4 va f'(x)=x+e*, vxeR.Khido [ f(x)dx bing
0

A 6€+13. 5. 6€+25. c 6e+25. D. 6e+19.
6 6 3 6
Loi gidi
Chon A

1
Taco: [ £/(x)dx=[(e" +x)dx=¢"+ 2x* +C |
aco J. (x)dx I(e +x) X=€+ X+
Néu: f(x)zex+%x2+c va f(0)=4 thi: 1+C=4<C=3.
Vay: f(X)zeX+%X2+3.

1
:>If dx J(e +;x +3}dx (e +éx +3xj
0

Cau4: Tichphan | X 4x bing
o X

1

13 6e+13
-

0

A. 3. B. D. 2.

N | W
O
B =

Chon B

AT ¢ 1 2 3
T —dx=|Inxd(l =—(I =—.
aco! . X !nx (Inx) 2(nx) 5
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1
Cau5: Chohamsé f(x) théaman f'(x)-f(x)=e™ va f (O):%. Gia tri caa I f (x)dx bing
0

A. i+e—2. B. i+e—§. C. 1+e—§. D. i+e—1.
2e 2e 2 e 2 2e
Loi giai
Chon B

Taco: £'(x)-f(x)=e™ e f'(x)-e™f (x)=e ™ o (e7f (x)) =e .

Lay nguyén ham hai vé ta c6 J.(e’X f (x))' dx = J-e’zxdx e f(x)= ?efzx +C.

Véi f(O):%:eof (0):_?1e°+C<:>%:—%+C<:>C:1 nén f(x):?e’x+—.

1
Vayj X)dx = I( L )dx:(leuexj :(i+ej—(§j:i+e—§.
e 2 o \2e 2) 2e 2

Cau6: Chohamsd f (x) lién tyc trén R va thoa man f (0) =1 f '(X)— x. f (X) - xe*,vx. Tich phan

jxf (M) dx béng
0

A e’ —e. B. 4\/e —2e. C. 1. D. e.
Loi gidi

Chon D

Taco f'(x)—xf(x)=xe,vVx < f'(x)e’xz’z — f(x)xe ¥"? = xe*"2, vx

@(f(x)e‘xz’z) =xe*?,Vx < f(x)e ™ I xe* "2dx, Vx

o f(x)e X=X +C,Vx o f(X) =€ +Ce*?,vx

Vi f(0)=1néntacd C =0. Do do9, f(x)=ex2

v k[t _ 1 x+1 x+1 X+1 gy —
Vi thé J.Oxf(\/x+1)dx__|.0 xd(e")=x j e*Idx=e

Cau7: Cho ham sé f(x) c6 dao ham va lién tuc trén R, théa man f'(x)+xf (x)=2xe™ va

£(0)=-2. Tinh (1).

A f(1)=-e B. f(1)="=. C. f(1)=-=. D. f(1)=

Chgn C
Taco f'(x)+x.f(x)= 2xe™"

1o 1o 1 1o
oe? .f’(x)+xe2 f(x)= 2xe 2 (tanhan hai vé cho e? )

1. ' 1o
@(ezx A (x)j = 2x.e 2

1o 1,

—e? f( J.er : dx——ZIe ) [—%x2)=—2ezx +C.
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f(0)=-2<¢".f(0)=-2€"+C=C=0.
Khido f(x)=-26" = f(1)=-2¢"= —é .
Cau8: Chohamsd f(x) lién tuc va xac dinh trén [0;2] théa man dong thoi cac diéu kién
f'() ;t%, f(X)#0 voi Vx=1, (x=2).f'(x)+ f(x)=2f(x).f'(x) véi Vxe€[0;2]. Gia tri cua
tich phan jf f (x)dx bing:

A. B. 1. C.%. D. 2.

W

Loi giai
Chon C
Tir gia thiét (x—1). f'(x)+ f(x) =2 (x).f'(x) véi ¥xe[0;2],cho x=1,taco

f(1)=2f(1).f' (1)< f(1).[1-2f'(1)]=0= f(1)=0.

Mat khac, Vx €[0;2], tacd

(x=1).F'(x)+ F () =2F(x).f'(x) <[ (x-1).f (x)]' :[fz(x)]' = (x-1).f(x)= f?(x)+C

Thayx=1,tasuyra f?(1)+C =0« C=0.

Do d6, ta duoc (x—1).f (x)=f*(x) <

Vi f(x)#0,Vx =1 nén ta suy ra dugc f(x)=x-1.
1

2
Khi do, [/ f(x)dx = [(x~1)dx =2
1

X% +sin% x—sin x

ot—n|N

A 4 T e T I R Sy Y ,
Cau 9: Biet dx=az’+bIn=+c véi a,b,c 1a cic s6 hiru ty. Tinh gid tri biéu thirc
X +CO0S X 2
T=8a+b+c?
A. 8. B. 3. C.0. D. 1.
Loi gii
Chon D
2.2 | ain2 ; 2,2 2 ;
) X“+sin® x—sin x X“ + XC0S X — X COS X +1—Cc0s“ X —sin X
Taco | = | dx = | dx
5 X +COS X 5 X + COS X

s

X(X+€0sx)—cosx(x+cosx)+1-sinx ‘ 1-sin x
dx=j X—COS X+ dx
0

X+ COS X X+ COS X

SR AN

T

V4 T

= — ’

2 1—sin x 2 (x+cosx) 1, . 2
=I X —COS X + dx=j X —COS X +-———— |dX =| = x* —sin x+In|x+cos X|

5 X+ COS X 5 X+ COS X 2 0

2 2

T T T T
=——1+ln>=—+InZ+(-1).

8 2 8 2
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Il
[EEN

Do d6 a=%;b=1;c=—1. SuyraT =8a+b+c=8.(%}+1+(—1)

cau10: Cho ham sé () ten e wen BMY thoa man TWT0 L f(x)=l wa
X

Cau 11;

Cau 12;

X2f2(x)_(2X+1) f (x):xf'(x)—l’ VXER\{O}.TI'nh I :i f (X)dX.

A. |=In2—1. B. I:—InZ—E. C. I:—In2+1. D. I=In2+1.
2 2 2 2
Loi giai
Chon A
Taco: x*f?(x)—(2x+1) f (x)=xf"(x)-1
<:>[xf(x)] —2xf (x)+1= f (x)+xf'(x)
@[xf(x)—l}zz X)+xf'( [xf(x) ]'
f(x)-1] d [ xf (

:>[X (X) ]2=1:>J.dx _[ [X X) 2] ! +C

[ (x)1] (X (x)-1 (-
:x:l_;(x)+c voi £(1)=0, f(x)% 5, suyraC =0 f (x) =1

. 1\ 1
Khi d6 I_If dx I——— dx=|Inx+=|| =In2-=.

X, 2

Cho ham s§ f(X) c6 dao ham trén R, biét (x+2) f (x)+(x+1) f'(x) =™ va f(0) %21
.Tinh f(1).

2021 2020 2020 2020
A S B L2° c.Ll® €

2020 2 2020 2 2021 2021

Loi giai

Chon C

Taco (x+2) f(x)+(x+1) f'(x)=e* < (x+2) f (x)e*+(x+1) f'(x).e* =™
2021x

+C.

1) f x| _ a2021x 1) f x _ [ e2021xg _£
<:>[(x+) (x)e] e o (x+1) f(x)e .[e X 2021

Véi x=0 tach f(o):%ﬂm ma £ (0)=—= = C =0.

2021x
e

Khi d¢ 1) f X = f(1l
ido (x+1)f(x)e 2021:> (1)

Cho ham s6 y = f (X) c6 dao ham trén (0;+0) thoa man: x*.f'(x)+ f (x)=2x>+x*, vx>0.
Biét rang f (1) =0. Tinh gi4 tri cua f(;j

A l=e. B. I:e+1. C. I:E. D. Izl—e.

4 4 4

Loi giai
Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 6



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Chon D
= 1 2 =
Xét: X2 ' (x)+ f(x)=2x"+x* < eX.f'(x)+S.e*.f(X)=(2x+1)e*
X
= o = (=2 1
:[eX.f(x)J :j1(2x+1).ede:jz(?+7j.exdx:I

1 2
2

u=e*=du=e"dx » 3 L 1
-1 -1
bat _ ,khido: | =) =—— |+ | =e"dx—| = .e*dx.
. dv:( 2+12]d,_1 1 ( jjz :

— -z e 4e’ X 2 X
x3 X2 X
U=e*=du=e"dx
11 1 1 11
Pat 1'=[ = e'dx, dat 1 1, khidé: I'=——+[ =e'dx.
-2 X dV=—2dX,V=—2 e 2e 2 X
X X

1

1 -1
Suy ra: | :E—E:[e&f (X)j

1

:_—zl.f (ljc f(l):l—e
1 € 2 2) 4
2

Cau 13: Cho ham s F(x)= f(x)sinx+2020 1a mot nguyén ham cua ham sb f'(x).cosx véi
1

VXG‘:O;%) va f(0)=1. Tinh I :'Z[[f(x)]z(cosx—sin X) dx

2
A e 1. B. 2641, c. t 4‘2. D. 3e3_4.

Loi giai
Chon A
Do ham s& F(x) = f(x)sinx+2020 1a mot nguyén ham cta ham sé f'(X).cosx nén ta co
F'(x) =[ f (x)sin x+2020] = f'(x)cos x
< f'(x)sinx+ f(x)cosx = f'(x)cos x
< f'(x)(cosx—sin x) = f(x)cosx
f'(x) COS X
f(x) - COS X —Sin X

<:>In(‘f (x)‘):J‘&dx

COS X —sin x
3 1J-cosx—sin X+sin X+COSX
2 COS X —sin X

:lj 1_(cosx—sm X) d
2

1 )
s x:z(x—ln(|cosx—sm x|))+C

Vi VXE|:O;%j nén In(‘f (x)‘):%(x—ln(cosx—sin x))+C.
Do f(0)=1nén C=0.

Vay In(‘f (x)‘) =%[x— In(cosx—sinx) < In f (x)]2 =x—In(cosx—sinx)
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o f (x)]2 (cosx—sinx)=e*.

de\/_l

=|[f (x)] (cos x—sin x)dx

o'—.r\)\l—\
ot—.,\,\p

Cau 14: Cho ham sé f(x) x4c dinh va c6 dao ham f'(x) lién tuc trén doan [1;3], f (X)#0 véi moi

e[13] . dong thoi f'(x)(1+f(x))zz[(f(x))z(x—l)T va f(1)=-1. Biét ring

> P C—

f(x)dx=aln3+b (a,beZ). Tinh tong S =a+b’
.S =

4, B.S=0. C.S=2. D. S=-1.
Léi gidi

Chon D

Xét trén doan [1; 3] , ta co:

e 100 =1y o ORI,y

X)

= f()(1+f()) x=[(x-1)dx = L + 2 4 x:(x_l)3

[y oo [ iy e P 9=

1 1 1 (x-1)

CEM P T 3 ¢
Theo gia thiét: f (1)=—1 néntaco: — 31(1)_le(l)_ftl)Z(l_l)erC:C__
Khi do:
1 11 =(x—1)3+1© 1 11 X L

3f°(x) f*(x) f(x) 3 3f°(x) f3(x) f(x)

(AU U O O o D S O S

5{_W} {_W} {_W}_ 3

t3

Xét ham s6 g(t):g—t2+t,teR o g'(t)=t?—2t+1=(t-1)°" >0,vteR.

Suy ra g(t) 12 ham s6 dong bién Vt e R.
1 1 1
S * % _ — _ — f —
uy ra ( )<:>g£ f(x)} 9(x) = ) x < f(x) 9

3
—J%dx:—ln|x”::—In3:>a=—1,b=0:>8:—1.

1
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m Tinh tich phéan dya vao do thi

Caul: Chohamsd f x liéntuctrén R va c6 dd thi nhu hinh v& duéi day

I

/N

-1 o 1 4

y= flx)

&

Biét rang dién tich cic mién phing A , B lian luot bing a va b . Tinh

2
fcosx.f 5sinx—1dx.
0

A 2th e c. 2=
5 5

m ‘
O

le—_a.
5

Cau2: Chohamsd y=f (X) voi —1< X <4 ¢ b thi cac doan thfmg nhu hinh bén.

4
Tich phan 1 = [ f (x)dx bang

-1

A 4. B. 1. C. 55. D. 2,5.

Cau3: Chohamsd y= f(x)co dd thi la duong gip khuc nhu hinh v&.

A s T
A 4
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Cau 4:

Cau 5:

Cau 6:

Gia tri cha tich phan | = J‘: (2f (x)+3)dx bang

A 17, B. 21. c. 5 D. 8.

3
Cho ham s6 f(x) 1a ham da thirc va c6 do thi nhu hinh v&. Biét dién tich hai phan t6 mau lan
5 13

llIO’tlé Sl:E’SZ :?

6

j f (x)dx

-2

Gi4 tri ctia biéu thirc bang

6

j f (X)dx

-2

6

j f (x)dx

-2

6

j f (x)dx

-2

6

j f (x)dx

-2

L
2

N |~

Cho ham s6 y = f (X)lién tuc trén R c6 d6 thi nhu hinh v& dudi day. Goi s 14 dién tich phan

hinh phing gi¢i han boi cac dudng y=f(x),y=0,x=-1va X=4. Ménh dé nio sau day

dang?
A. S:—j'lf(x)dx+If(x)dx. . | j:‘
C.S :j. f (x)dx+jl f(x)dx. D.S :—'l[ f (x)dx—ff f(x)dx.

Cho ham s6 da thire Y = f (X) ¢6 dd thi nhu hinh v& duéi day

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 2
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v

(3~

LA |

a

SIS E ) RES

4
Cau7: Cho ham sé bac ba y=f(x)c6 dd thi nhu hinh v&. Biét '[f"(x)dx:GO. Gia tri cua
-1

f(2)-1(-3) Ia

A. —445. B. 445. C. —-440. D. 440.
Cau8: Chohamsb y=mx-x’(0<m<4) coddthila (C).Goi S,+S, ladién tich cia hinh phang
gi6i han bsi (C), truc hoanh, truc tung va dudng thing x =4 (phan td d4m trong hinh vé bén).

Y

O 4 &

3 | Facebook tac gid: Phan Nhét Linh
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Cau 9:

Céu 10:

Cau 11:

Giatricia m saocho S, =S, la

A.m:%. B.m:%. C. m=3. D.m=-2.

Cho ham s6 y=f (X) lién tuc trén R c6 d6 thi tao véi truc hoanh cac mién cé dién tich

S]_a 821 831 S4 (nhu' hinh Vé) va S]_ = S4 = 10 ' SZ = 83 = 8 . Blét tich phﬁl’l

= f(3Inx-4)+1  a a oy
| - =1 v6i a,be7: 2 1a phan s6 ti gidn. Tinh tich 2b?
3e4
J\y
y=[(z)
Sl
S /% o
-1 0 1 2
2 Sy
A. 31, B. 84. C. -84. D. -24.

Cho ham s6 y = f () c6 dd thi nhu hinh v& va dién tich hai phan A, B lan luot bang 12 va 2.
y A

><V

Gid tri ctia | = [ f (5x+3)dx bing

-1

SN

A 2. B. 10. C. 50. D.%.

Cho ham s y = f () lién tuc trén doan [-3;1] va c6 d6 thi nhu hinh v& dudi. Biét dién tich cac

2
hinh A,B,C lan luot Ia 27,2 va 3. Tinh tich phan 1 = [ (x® +x)f'(x* —3)dx.

0
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A
3,,
2,,
A
1__
C | -
3 -2 B0 1 2
A. -14. B. —32. C. 32. D. 28.

Cau12: Cho ham sé6 y=f(x) lien tuc va c6 dao ham cép 2 tren R théa man
x[f(x3)—2]+ £(x*)=x* ~3x* ~1. Biét do thi ham s6 y = f (x) vatiép tuyén d tai diém co

hoanh @0 x =0 ¢6 dd thi nhu hinh vé.

y
y= flx)
1— —
I
I
0 / 1 \/ x
1
1
Tinh Jf(x)dx.
0
A. —E. B. —z. C.g. D.ﬂ.
30 10 20 15

Cau13: Cho ham sé y= f(x) dong bién trén R va dién tich céc hinh phang trong hinh bén 1a S, =3,

4
s,=10, S, =5, S, =6, S, =16.tinh tich phan jf(|x+14)d><-

-3

Y“
1 ; X
T\ v \
A. 1. B. 53. C. 10. D. 4.
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Cau 14: Cho db thi ham bac ba y = f (2x)=ax’ +bx* —~10x+d va dudng thing y = g(X)cét nhau tai 3
diém A, B,C. Goi H,K 14n luot 14 hinh chiéu cia Ava C Ién OX nhu hinh v&.

o

3
Biét dién tich tam gidc ABH va BCK Iin luot 14 8 va %.Gié tri ctia | F(x)dx biing
3

A 21 B. 72. C. 57. D. 13.
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HUONG DAN GIAI CHI TIET

Caul: Chohamsd f x liéntuctrén R va c6 d6 thi nhu hinh v& duéi day

Ay
y=flx)
-1 f;? 1 4 .'-'?;.'
Biét rang dién tich cic mién phing A , B lan luot bang a va b . Tinh
7
fcosx.f 5sinx—1dx.
0
A.a_+b. B. _a_b. C_aLb_ D.E.
5 5 5 5
Loi giai

Chon C

bat t =5sin x —1=- dt =5cos xdx < cos xdx :%

. T
Poican x=0=t=-1, X:E:>t:4.

1 1f Y a—b
Suyralzfgf t dt:§[ff tdt+ff t dt]:T
-1 -1 1

Cau?2: Chohamsb y=f (X) véi —1<x <4 c6 dd thi cac doan thfmg nhu hinh bén.

4
Tich phan | =I f (x)dx bang
-1
A 4. B. 1. C. 55. D. 2,5.
Loi giai
GVSB: Nguyén Phwong Thio; GVPB: Pham Hién
Chon D

7 | Facebook téc gid: Phan Nhat Linh
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i

¥

D C

2
T+ |
4 B S

I T 1 ' l T
-1 o 1 2'\ H g

-1 F G

i,

4 1
Taco: | :j f(x)dx= If dx+I dx+j
—11 -1 .
Trong d6: [ f(X)dX =S gep =--(1+2)2=3.
-1
: 1 ¢ 1 3
'[f(x)dx=SBCE =>12=1; !f(x)dx=—SEFGH =—§(1+2).1=—§.
4 1 3 5
Vay I:_[f(x)dx jlf dx+j dx+j X)dx=3+1-2=".

Cau3: Chohamsd y= f(x)co dd thila duong gip khiic nhu hinh vé.

S Qs o e s

Gid tri ctia tich phan | = [* (2f (x) +3)dx biing

A. 17. B. 21. cC. —. D. 8.
Loi giai

Chon A

1XJF% khi-1<x<1

Taco f(x)=41 khil<x<2.

—gx+4 khi2<x<4

4 1 1 1 2 4 _3
Suy ra I f (x)dx :J(Ex+Ejdx+J‘1dx+f(?x+4jdx =1+1-1=1.

-1

KhldoI—J‘ (2 (x)+3)dx = 2j dx+j3dx 2+15=17.
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Cau 4:

Cau 5:

Cho ham s6 f(x) 1a ham da thirc va c6 do thi nhu hinh v&. Biét dién tich hai phan t6 mau lan

lugt 1a slzg,szzg

6
Gi4 tri cua biéu thirc I f (x)dx| bang
-2
6 6 6 17 6 7
A || F(X)dx|=9. B. || f(X)dx|=4. C.|| f(X)dxj==. D. || f(x)dx|=—=.
_L j (x) j (X)dx == _L() .
Loi giai
Chon B

Taco Ui f (x)‘ - Ulz f(x)dx+ [ f (x)dx‘ =[s,—S,|=4

Cho ham s6 y = f (X)lién tuc trén R c6 d6 thi nhu hinh v& dudi day. Goi s 1a dién tich phan
hinh phing gi¢i han boi cac dudng y=f(x),y=0,x=-1va X=4. Ménh dé nio sau day

dang?

Loi giai

Chon B
Taco: hamsd y = f(x)>0vxe[-1L1]; f(x)<0Vxe[L4], nén:

1

S :j] i (x)‘dx+jj‘f (x)‘dx=f i (x)dx—j f(x)dx.

-1
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Cau 6:

Cho ham s6 da thirc y = f (X) c6 d6 thi nhu hinh v& dudi day

L

(S~

/ c : v
o) 5572 e (-3-3)

NI
2 2 2

Loi giai

Chgn C

Dua vao do thi ta thiy f(X):aX3+bX2+CX+d )

d=2
Do d6 thi ham sb di qua diém (0;2),(L1) va diém (3;1) nén Ja+b+c+d =1

27a+9%+3c+d =1
Tacd f'(x)=3ax’+2bx+c, do diém x=0 la cyc tri cia ham sé nén f'(0)=0=c=0.

4
a=—
9
A S __ B 4 5 13,
Giai hé 4 phuong trinh 4 an ¢ trén ta thu dugc b——g.Suy ra f(x)=§x —=x*+2.
d=2
Khi do
1 1
_[xf(x)f’(x)dx jx[ﬂx3—9x2+2j(fxz—§j —7442z_0,8756(_§;_lj_
J 179" g 3" 9 8505 2" 2

f(2)-f(-3) Ia

4
Cau7: Cho ham sé bac ba y=f(x)c6 dd thi nhu hinh v&. Biét '[f"(x)dx=60. Gia tri cua
-1
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Cau 8:

A. —445. B. 445, C. —440. D. 440.
Loi gidi
Chon C
Viham s6 y = f(x) 1a ham s6 béc 3, ¢6 dd thi nhu hinh v& nén ham s6 dat cuc tri tai hai diém

x=1Lx=3.
Nén f’(x):a(x—l)(x—B)za(x2—4x+3).
4

Lai theo bai ra j f"(x)dx=60=> f'(4)— f'(-1)=60 < -5a=60 < a=-12.

-1

Dodo f'(x)=~12(x* ~4x+3) = f (x) =—12[ (x® ~4x+3)dx =4 + 24x® ~36x-+.C.

— £(2)- f(-3)=(-8+C)(432+C)=—440.

Chohamsé y=mx—x* (0<m<4) c6 ddthila (C). Goi S, +S, ladién tich cia hinh phang
gi6i han béi (C), truc hoanh, truc tung va dudng thing X =4 (phan td dam trong hinh vé bén).

Yy

Giatricia m saocho S, =S, la

A. m—10 B.m:§. C. m=3. D. m=-2.
3 3
Loi giai
Chon B
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Cau 9:

\
Xx=0

Phuong trinh hoanh d¢ giao diém cua (C) vatruc Ox la: x> —mx=0< .
x=m(0<m<4)

o Tl sl o Tl —x?Vx = [m X X —m®
TaCOSl_EUmX x‘dx__([(mx x)dx_(m2 3}0_ s
82:jhmx—xz‘dx:4(x2—mx)dx:()§— X?Zj —6—34—8m %3
Khi d6: 81:82<:>m—3:m—3—8m+6—::0 8m—%=0<:>m=g

Cho ham s6 y=f (X) lién tuc trén R co dd thi tao véi truc hoanh cac mién c6 dién tich
$,5,,5,5, (mhw hinh v&) wva $=5,=10  §5,=5,=8 . Biét tich phan

© f(3nx-4)+1  a a oy
J. dX==véi abe Z;B la phan s6 toi gian. Tinh tich ab?

394 X b
Ay
y=f(z)
S]
SQ/% ‘LL‘
-1 0 1 1 9
2 S,
A. 3L B. 84. C. -84, D. -24.
Loi giai
Chon D
e f(3Inx—4)+1 = f(3Inx—4 e
Tacé|=j ( ) dx:j(—)dx+.[1dx:\]+g.
3o X 3o X %TX 3
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12 12 1 % 1 2
J==f(t)dt==| f(x)dx==| | f(x)dx+| f(x)dx+| f(x)dx
3!() 3{() 3{() !() {()

2
1 10
25(—824-53—34):—?
Do d6 I=—E+E=—§=§:>a.b=—24-
3 3 3 b

Cau 10: Cho hamsé y = f (X) c6 do thi nhu hinh v& va dién tich hai phan A, B 1an luot bang 12 va 2.
y A

><V

Gid tri ctia | = [ f(5x+3)dx bing

-1

SN

A 2. B. 10. C. 50. D. —.

Loi giai
Chon B

0 1 1

Dua vao d6 thi ta c6: A:If(x)dx:lZ;B:I—f (x)dx:2:>jf(x)dx:—2.
-2 0 0

Xét | :I f (5x+3)dx. bat t:5x+3:dx:%dt.

0

Khi dé I:if(t).édt:%if(x)dx:%{j f(x)dx+_(l[f(x)dx}:2.

-2
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Céu 11:

Cau 12;

Choham s6 y = f () lién tuc trén doan [-3;1] va c6 dd thi nhu hinh v& duéi. Biét dién tich cac

2
hinh A,B,C lan luot Ia 27,2 va 3. Tinh tich phan 1 = [ (x® +x)f'(x* —3)dx.

0
3
2
A
1
1 C -
-3 -2 —\1\_340 1 2

A. -14. B. -32. C. 32. D. 28.
Loi giai
Chon A
3
2
A
1
I C I -
-3 -2 —\1\%0 1 2
+ Dit t = x> —3= 2xdx =dt.
* Suyra
= [0 +0)f(¢ ~3) dx =2 2x(¢ —3+4) £ (¢ —3) o E REDIRCL
0 2 0 2 -3

=20 = (x+4)'(x) d.

+ bat =

v ="F(x)
o Taco 2l :J';(x+4)f’(x) dx=(x+4) F(x)[L, -j;f(x) dx:-fsf(x) dx

-1 0 1
=—[ fO)dx=[ fO)dx-[ f()dx= —27 + 2 -3 =28 1=-14.

Cho ham s6 y=f(x) lién tuc va c6 dao ham cép 2 trén R théa man
X[ f(x*)-2]+ 7(x*)=x*~3x* ~1. Biét dd thi ham s y = f (x) va tiép tuyén d tai diém co

hoanh @0 x =0 ¢6 dd thi nhu hinh vé.

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 14



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

y
y=flx)
1 -
|
|
0 / 1 \/ x
-1
1
Tinh '[ f (x)dx.
0
=) 5 2 ¢ 0 4T
30 10 20 15
Loi giai:
Chon C
Ta co:

x[f (x3)—2]+ f”(xz): x*-3x* -1

= x*f (x3)—2x2 + xf ”(xz): x*—3x% —x
= x*f (x3)+xf ”(xz): x*—3x% +2x* —x
LAy tich phan hai v& ta duoc

j'xzf (x3)dx+Jl'xf ”(xz)dx:j'(x4 —3x% +2x2 —x)dx
0 0 0

1 1t ., 23
:gjf(XS)d(XS)-FEE[f (Xz)d(xz)z—%
37 ¢ 37

=§jf(x)dx=—%—§(f'(1)— f’(O))_%:If(x)dx_z—o

0

Cau 13: Cho ham sd y = f (X) dong bién trén R va dién tich cac hinh phing trong hinh bén 1a S, =3,

4
S,=10, 8, =5, S, =6, S, =16.tinh tich phan [ f (x+1)dx.
3

A L. B. 53. C. 10. D. 4.
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Loi giai
Chon A

5
Dit t = x+1, ta cd tich phan j f (t})dt. Ta co do thi ham s6 y = f (|x|) trén [-2;5] (lay ddi ximg
-2
phan bén phai Oy qua Oy, vi ddy 1a ham chin)
b

QO
N
=J

5 5
Vay: [ f(|t])dt=[ f()x|)dx=-S,+S,+S,-S,+8,~S,+S,=1.
)

-2

Cau 14: Cho d5 thi ham bac ba y = f (2x)=ax’ +bx* —~10x+d va duong thang Y = g(X) cat nhau tai 3
diém A,B,C. Goi H,K 1an lugt 14 hinh chiéu cia Ava C I&n OX nhu hinh v&.

e

3
Biét dién tich tam gidc ABH va BCK lan luotla 8 va %.Gié tri ca [ f(x)dx béng
-3
A 21 B. 72. C. 57. D. 13.
Loi giai
Chon C
Goi  B(b;0)(0<b<4). Ta c6 ABCK déng dang  ABAH (g-g)

Sﬂ:(%jgz_wc{bﬂ (m)

=

S sgan BH 16 (b+3)2 b=25 (|)
Viy B(L0)= BK =3= CK ZZSBA%:s
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— Heé s6 gdc clia duong thang y = g(x)1a k =tanCBK :g—izl nén g(x)=x-1

Ta co:
f(2x)—g(x)=a(x+3)(x-1)(x—4) b= 24
& (ax +bx* —10x+d ) —(x-1) =a(x* - 2x* ~11x+12) < {-11=-1la
& ad +bx* ~11x+d +1=a(x’ - 2x* ~11x+12) d+1=12a
a:1 3 2
<ab=-2,vithé f(2x)=x"-2x"-10x+11= f(x):%—%—5x+1l.
d=11

3
Vay j f (x)dx =57.
-3
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Ung dung tich phan tich dién tich hinh phang

Caul: Choduong cong (C):y=x". Xétdiém A c6 hoanh do dwong thudc (C), tiép tuyén cua (C)

tai A tao voi (C) mét hinh phang c6 dién tich bang 27. Hoanh do diém A thugc khoang nao dudi day?

A. 0,'l : B. l,-1 : C. 1;E . D. §;2
2 2 2 2
Cau2: Hinh gidi han béi mot duong parabol va mot nira dudng tron tim O ban kinh bang J2 (phén

gach soc) trong hinh v& bén c6 dién tich bang

)

A.§+£. B.Z+£. C.f+z. D.g+z
3 2 3 2 3 2 3 2

Cau3: Cho hai ham sé f(x)=ax® +bx+c,g(x)=bx®+ax+c, (a>0) co dd thi nhu hinh v& bén. Goi
S,, S, la dién tich hinh phang dugc gach trong hinh v&. Khi S; +S, =3 thi j; f (x)dx bang:

3

)
So
O 4
S, @

A 3. B. 3. C.6. D. 6.

Cau4: Chohamsd bacba f(x)co dd thi nhu hinh vé sau:
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VA

Goi S,, S,, S;1a dién tich cac hinh phang dugc gach trong hinh. Khi S, =S,=3, S, =2 thi

1
[ f(5x—3)dx béng

0

A. 40. B. 20. C. D. g

o] oo

Cau5:  Dién tich hinh phang gici han voi d thi hai ham s y =|x* —4x+3| va y=3-X bing

A Z B. C. E D. 2.

3 6

N | ©

Cau6: Choham s y=f (X) xéac dinh va lién tuc trén R , ¢6 do thi 1a dudng cong nhu hinh vé. Goi S,
1a dién tich hinh phang gi6i han boi dd thi ham s y = f (x), duong thing y =x+1,x=-3,x =1
; S, 1a dién tich hinh phing gi6i han boi d6 thi ham sb y=f(x), duong thing

3
y=x+1x=1x=3.Tinh jf(x)dx theo S, va S, .
-3

A. 6-S,+S,. B.6+S,-S,. C.10+S,-S,. D.10-S,+S,.

Cau7: Chohamsb y=f (X) ¢ do thi nhu hinh v& va goi A; B 1a hai hinh phing duoc gach trong

hinh bén dudi 1an luot c6 dién tich bang 14 va 5.
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Cau 8:

Cau 9:

0
Gié trj ctia | = [ f (3x+1)dx béng:

-1
A 9. B. —. C. 27, D. 3.
Cho ham s6 y=-x*+mx® c6 dd thi (C,,) véi tham sé m >0 dugc cho nhu hinh v&. Gia st

(Cm ) cit truc OX tai ba diém phén biét nhu hinh v&. Goi S, va S, 1a dién tich cac mién dugc

105

gi6i han boi do thi (C,,) vatruc OX. Biét m; lagiatridé S, +S, = — héi m, thudc khoang

nao sau day?

Sl SQ

O x

A. (15;30). B. (5;10). C. (0;3). D. (2;6).

Chohamsb f x liéntuc trén R va c6 d6 thi nhu hinh vé& duéi day

Ay
y = f(z)
-1 0 1 4 r
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Cau 10:

Céu 11;

Cau 12:

Biét rang dién tich cic mién phing A , B lan lugt bang a va b . Tinh

cosx.f 5sinx—1dx.

OSN‘Q

A.

a_"'b_ _a_b_ C_a__b. D.b__a_
5 5 5 5

Cho ham s6 f(X) lién tuc trén R va 6 db thi nhu hinh v& bén dudi. Goi S; va S, lan lugt 1a

a

2 r E
dién tich cua hai hinh phéng trong hinh, biét S, =3 va S, =7 . Tich phan jcos xf (5sin x—1)dx
0

bang:

A 24 B 2 C. 2. D. 2.
5 5

Cho hinh phang (H ) gi6i han b&i d6 thi ham s6 y = x* va dudng thang y =mx véi m=0. Co
bao nhiéu s6 nguyén duong m dé dién tich hinh phing (H ) 1a s6 nhé hon 20 (don vi dién tich).
A. 3. B. 4. C.6. D. 5.

Cho ham s y=x*—3x*+m c6 dd thi (C,,), véi m la tham s6 thuc. Gia sir (C,,) cit truc OX

tai bén diém phan biét nhu hinh vé
F 9 }_

4___

1'“

e
[l =
-
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Phan Nhat Uinh
Got S;, S,, S; la dién tich cac mién gach chéo duogc cho trén hinh vé€. Gia tri cia m dé

S,+S,=5, la

A.m:E. B.m:—i C.m:—E.
4 2 4

Cho ham s6 bac bon y = x* —4x? +1 va parabol y=x?—k, voi k e R c¢6 do thi nhu hinh bén

Cau 13:
Goi S;,S,,S; lan luot 1a dién tich cua phan hinh phing duoc to6 ddm tuong tmg trong hinh vé&

D. m:E.
2

Khi S, =S, +S; thi k thudc khoang nao dudi day?

14

e
e e e o)

Cau 14: Cho ham s6 y=ax*+bx®+c¢ co6 d6 thi nhu hinh v&. Pudng thang y =m cat do thi ham sd tai

bén diém phan biét (nhw hinh v&) véi x, = 2X, .

A |4 .

——

Goi S, 1a phan dién tich hinh phang nam du6i duong thing y =m, giéi han boi duong thang
y =m va d6 thi ham s6 da cho. Goi S, 1a phan dién tich hinh phang nam trén duong thang

y =m, gi6i han boi dudng thang y =m va do thi ham sé d cho. Tinh ti sb S—l .
2
19 30 19 30
I

A —. B. —. L.
8 11 11

Cau 15: Cho hinh thang cong (H) gi6i han boi cac duong y=2", y=0, x=0, x=4. Puong thing
x=a (0 <a<4) chiahinh (H) thanh hai phan c¢6 dién tich S, va S, nhu hinh v& bén. Tim a dé

S, =4S,
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Nguyén ham, tich phén va Ung dung

A a=3. B. a=log,13. C.a=2. D.a:Iogz%.

Cau 16: Cho ham sé bac ba f (x) c6 do thi ham s6 nhu hinh v& bén. Biét ham sé f (x) dat cuc tri tai
hai diém x,, X, théa man x, =x,+2 va f(x )+ f(x,)=1. Goi S,,S, la dién tich cua hai hinh

phing dugc cho trong hinh vé bén. Tinh ti s % .
2

4y
y= f(z)

o

Np==——-

T2 x

0 / 1 V% ‘

S\ |
A2 B. 3 c. 3. D. 2.
4 5 8 3

0
Cau17: Chohamsb y=f (X) lién tuc trén doan [—5; 6] c6 dd thi nhu hinh v&. Gia tri cua I f ( X) dx
-5

bang.
yA
A 23 B. Q C. E’ D g
2 2 2 2
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Cau 18: Dudngthing y=m (0<m<1) citdudngcong y = X" —2x*+1 tai hai diém phan biét thudc géc
phan tu thir nhét ctia hé toa dd Oxy va chia thanh hai hinh phang c6 dién tich S;, S, nhu hinh
vé. Biét S, = S,. Ménh d& nao duéi day dung?

1

y=m

0 T

A me 0;g . B. me g,l . C. me £,§ . D.me §;1
5 52 25 5

Cau 19: Cho dudng thang y = % X+a va parabol y=x’ (a la tham s6 thuc). Goi S,,S, lan luot 1a dién

tich cta hai hinh phang dugc t6 ddm va gach chéo trong hinh vé& bén. Khi S, =S, thi a thudc

khoang nao dudi day?

y=a* 1Y
52
51
1 o u
y=§x+a .

S e

Cau 20: Cho ham sb bac ba y = f (x) c6 dd thi la duong cong trong hinh vé&
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Nguyén ham, tich phén va Ung dung

Céu 21:

Cau 22:

I

Biét ham s6 f () dat cuc tri tai X, X, théa mdn X, =x+2 va f(x)+f(X)=0.Goi S;,S,

. . : S .
la dién tich hai hinh phang dugc gach trong hinh v€. Ty so S—l bang

2
A3 B. 2. c.3 p. 3,
4 8 8 5
Cho ham s6 béc ba f (x)cé do thi nhu hinh v& bén. Biét do thi ham s f (x) cét truc hoanh tai

ba diém phan biét c6 hoanh dd x, x,,x, thoa man X, = X, + 23 va X, X,, X5 theo thir tu 1ap

thanh mot cip sé cong. Dién tich hinh phang gach soc trong hinh v& bang
I

V] -

7.

O] T1 xI9 Xy £I

A. 63 . B. 446 C. 43.

Cho ham so bac ba y = f (x) c6 dd thi la duong cong trong hinh bén. Biéthamso f (x) dat cuc

D.6.

tri tai cac diém X, X, sao cho x, —x =2 va f"(2)=0. Goi S, va S, la hai hinh phang dugc

gach trong hinh bén. Ti sé % bang:
2

YA

]
V)

Q
X
[\V)

—————— e 8
)
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A.l. B. C.g. D.§.
4 5 8

w |

Cau 23: Chohamsd f(x)=ax*+bx*+c cé dd thi nhu hinh v&. Biétrang f (x) dat cyc tri tai cdc diém

X, ; X,; X, thoa midn X, =X +2 va f(x1)+f(x3)+§f(x2):0. Goi S, S,, S;, S, la dién

, L1y 2 \ ~ 1A . & S5, +S A Ay re 1A 2y L A
tich cac hinh phang trong hinh v& bén. Ti s ﬁ gan nhat voi két qua nao dudi day?
+
3 4

Y

-~

A. 0,65. B.0,7. C. 0,55. D.0,6.

Cau 24: Biét ring dudng thing d :ax+b cét parabol y =~/6x?tai hai diém A(X;Y,);B(X,;Y,) sao cho
Y, + Y, = 20+/6 va dién tich hinh phéing gii han bsi d va (P)bang 366 goi S,;S, 1a dién tich
hinh phang duoc gi6i han trong hinh. Tong S, +S,

Yy = V6a?

Y y=ax+b

o xr

A. 306 B. 27/6 . C. 186. D. 246 .

Cau 25: Cho hamsé f(x)=ax'—2x"+2;g(x)=bx’+cx’ +2x c6 dd thi nhu hinh v& bén:
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Nguyén ham, tich phén va Ung dung

. 557 .
Goi S,,S, 1a dién tich cac hinh phang gach soc trong hinh v&, khi S, = 150 thi S, bang

299

) 57 o,
240

B. . . . .
480 240

&~ | a1
O

Cau 26: Chohamsd f(x)=ax’+bx* +cx—1; g(x)=mx’+nx+1 c6 do thi nhu hinh v& bén

=

Biét rang f'(2)=0 va hai d6 thi ham s6 da cho cét nhau tai ba diém phan biét c6 hoanh do

X, X,, X, thoa man X, + X, + X, = 7. Dién tich ctia hinh phang gach soc trong hinh v& thudc
khoang nao dudi day?

el oY e

Cau 27: Cho hai ham sé f (x)=ax’+2x* +bx+1g(x)=cx*+4x+d c6 bang bién thién nhu sau:

T —00 « B +00
| 1 '
g(z) 0, 10
—00 / : —00
. s
f(x) \ :/:\
| 1 —00

Biét rang d6 thi ctia hai ham s6 da cho cat nhau tai 3 diém phan biét c6 hoanh do X, X,, X, thoa
min X +X,+X, =9 . Khi d6 dién tich hinh phang giéi han bsi cic duong
y="f(x);y=9(X);x=Lx=2 bang
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A.E. B.E. C.l. D.l.
4 2 4 2

Cau 28: Trong mat phang toa do Oxy xét dd thi (P):y =1++/x va dudng thing d :x=a cét nhau tai
diém A.

—

-
T

(@]

r=a

Ki hi¢u S 1a dién tich hinh phang gi6i han béi cac duong Oy, (P) va dudng thing OA; S’ Ia
dién tich hinh phang giéi han boi cac dudng Oy, (P), Ox va d . Gia sir rang S = %S' , hoi gia
tri a thudc khoang nao sau day?
A. (0;4). B. (4:8). C. (8;16). D. (16;+0).

Cau 29: Cho ham sb bac ba y=f (X) ¢ dd thi 1a duong cong trong hinh bén. Biét ham s6 f (X) dat cuc

tri tai hai diém X, X, thoa man x, =x +2 va f(x )+ f(x,)=0.Goi S, va S, la di¢n tich ctia

hai hinh phang dugc gach trong hinh bén. Ti s6 % bang
2

Y
A%
92
9 T :.’EZ I
|
|
4 8 8 5
R L . B T S In sin x4+ cos x T o
Céu 30: Dién tich hinh phang gidi han bdi cac do thi ham s6 y = — ,y:O,X:Z,X:E
SIN™ X

la S=2"+blnyc véi acZ va b,c 1 cac sb nguyén t6. Khi d6 a+b+c bang
a

A 0. B.1. C. 2. D. 3.

Cau 31: Trong mat phang Oxy , xét tir gidc c6 dién tich bang In % ; cac dinh c6 hoanh d6 1a cac s nguyén

lién tiép va nam trén do thi ctia ham sd y = In x . Hay tinh tong cac chit s6 ciia hoanh d6 dinh xa

gbc toa do nhat:
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Nguyén ham, tich phén va Ung dung

Cau 32:

Céu 33:

Céu 34:

A 6. B.5. C.7. D. 8.
Cho ham s§ y =+/x c6 db thi (C) va diém M thugc (C) c6 hoanh d¢ duong. Goi S, 1a dién

tich hinh phing gi¢i han béi (C), truc hoanh va dudng thang di qua M va vudng goc véi truc

hoanh; S, 1a dién tich hinh phang gii han béi (C) va duong thing OM. Biét % :% (voi

1
a,beN va % la phan s t6i gian), gia tri ciia a+b bang
A 6. B. 5. C.19. D. 21.
Cho ham sé bacba y = f (x) c6 db thi 1a dudng cong trong hinh v& bén. Biét ham sb f (x) dat

cuec tri tai hai diém X, X, théaman X, =% +2 va f(x )+ f(x,)=0.Goi S, va S, la dién tich

ctia hai hinh phang duoc gach trong hinh bén. Ti s6 % bang

)

=Y

A E B.

4

C. D.

0| o
| w
ol w

Cho f(x),g(x) lan luot 1a cac ham da thirc bac ba va bac nhat co d6 thi nhu hinh v&. Biét dién

1
tich hinh S (dwoc td mau) bing % Tinh jf(x)dx.
0
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A S B. 34, c. i p. &2
48 27 15 35
Cau 35. Cho ham sb bac bén y = f (x). Biét ring ham s6 g(x)=In f (x) c6 bang bién thién nhu sau:
X —0 X, X, X, +o0
+o0 In42 +0
g(x) \ / \ In37 /
In10

Dién tich hinh phing gi¢i han béi cac duong y = f'(x) va y=g’(x) thudc khoang nao dusi
day?
A. (38;39). B. (25;26). C. (28;29). D. (35;36).
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Nguyén ham, tich phén va Ung dung

Cau 1:

Cau 2:

HUONG DAN GIAI CHI TIET

Cho duong cong (C):y =x°. Xét diém A c¢6 hoanh do dwong thudc (C), tiép tuyén cia (C)

tai A tao v6i (C) mot hinh phang co dién tich bang 27. Hoanh d¢ diém A thuoc khoang nao

dudi day?
NC T I
2 2 2 2
Loi giai
Chon C
Taco y' =3x".

Co A e(C):>A(a;a3), a>0.
Phuong trinh tiép tuyén 4 cua (C) tai A 1a d:y=3a"(x—a)+a’ hay d: y=3a"(x—a)+a’,
Ta c6 phuong trinh hoanh do giao diém cua d va (C ) la
x’ :3a2(x—a)+a3 <:>(x—a)2(x+2a):0
{x =a

& :

x=-2a
Goi S la di¢n tich cua hinh phang gisi han boi tiép tuyén d va (C).

Tacd S=27 < j. ‘x3—3a2(x—a)—a3>dx:27

—2a

o I (x3—3a2x+2a3)dx =27
—2a
4 ) a
o (%—SQ s +2a3x] =27
—2a

a=+2

a:—\/E(ktma>0).

@%cﬁﬂc{

Viy a=+/2.

Hinh gi6i han bdi mot dudng parabol va mot nira dudng tron tim O bén kinh bang J2 (phén
gach soc) trong hinh v& bén c6 dién tich bang

Y
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A. E+£. B. Z+£. C. ﬂ+z. D. E+£
3 2 3 2 3 2 3 2
Loi giai
Chon A

Phuong trinh nhanh trén dudng tron y=+/2-x* . x=+1=y =1,
Parabol c6 dinh (O;—l) va di qua hai diém (—1;1) : (1;1) c6 phuong trinh : y =2x* -1,

S :i[ﬂ—(sz—l)}dx:g+%.

Cau3: Cho hai ham sé f(x)=ax®+bx+c,g(x)=bx3+ax+c, (a>0) c6 dd thi nhu hinh v& bén. Goi
S,, S, la dién tich hinh phang dugc gach trong hinh vé. Khi S; +S, =3 thi j ; f (x)dx bang:

ya

A. 3. B. -3. C.6. D. 6.
Loi giai
Chon B
a2 x==1
Phuong trinh hoanh d6 giao diém: (a—b)x* +(b—a)x=0< (a—b)(x3 - X) =0 {X _o
Ky hiéu S; 1a dién tich hinh phang nhu hinh vé& duéi.

Y

51% i
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Nguyén ham, tich phén va Ung dung
0 0 1
S, =j_1(f (X) - g(x))dx = (a—b)L(x3 —x)dx =Z(a—b)
Cach 1: Taco: 1 =35, =S,.
S, _j(g(x)—f(x))dx (a- b)j (x*-x dx——(a b)

Viy S,+S,=3<5,+8S, =3©I:(g(x)— f(x))dx+I0—g(x)dx=3c>jo f (x)dx = —3.
Céch 2: sl=j_°1(f(x)-g(x))dx:(a—b)fl(xtx)dx:%(a—b);
S, =—_[:9(X)dx = —Ll(bx3 +ax+c)dx = —(%+%+c)

Vivay S,+5, :BQ%(a—b)—%—%—c:BQa+2b+4c:—12.

Suyraj f (x)dx = I ax+bx+c)dx_—+g+c %M -3.

Cau4: Chohamsd bacba f(x)c6 dd thi nhu hinh vé sau:

VA

Goi S,, S,, S, 1a dién tich cac hinh phang dugc gach trong hinh. Khi S, =S,=3, S, =2 thi
1 N
J-f(5x—3)dx bang

0

A. 40. B. 20. C. —-. D.

SRS

Chon D
X=a

V6i xe[-3;2] taco f(X):Oc{x—b

1
Xét 1= [ f(5x—3)dx
0

bat t:5x—3:>dt=5dx:>dx:%dt

X=0=t=-3; x=1=t=2

:_I ;ff )dx_S[if dx+j dx+j de_é(s ~5,+8,)=

U'll-h

-3
Cau5:  Dién tich hinh phing gi¢i han véi do thi hai ham s6 y = |x* —4x+3| va y =3—x bing
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Al B. 2. c. D. 2.
3 2 6
Chon C
x=0
Xét phuong trinh hoanh d6 giao diém: ‘X2—4X+3‘=3—X<:> X=2.
X=3

Khi d6 dién tich hinh phang gi6i han béi hai d6 thi 1a:

r ) I 1 13
S:”(S—x)—‘x —4x+3de+J‘Hx —4x+3‘—(3—x)‘dx:2+€:€.
0 2

Cau6: Chohamsé y= f(x) xdc dinh va lién tuc trén R, c6 d0 thi 1a duong cong nhu hinh v&. Goi S,
1a dién tich hinh phang gi6i han bai d6 thi ham s y = f (x), duong thing y =x+1,x=-3,x =1

; S, 1a dién tich hinh phing gi6i han boi dd thi ham sb y=f(x), duong thing

3
y=x+1x=1x=3.Tinh jf(x)dx theo S, va S, .

-3

A. 6-S,+S,. B.6+S,-S,. C.10+S,-S,. D.10-S,+S,.

Chon B
Taco S, =J;[f (x)—(x+1)]dx='[3 f (x)dx—J.(x+1)dx=

-3

S
-
—~
>
N—"
o
X
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Nguyén ham, tlch phén va Ung dung

CauT:

Cau 8:

S, _I[ (x+1)- ]dx_j x+1)dx—if(x)dx=6—j:f dx:>j x)dx=6-S,

1

Tacoj =Jl'f dx+j x)dx=S,+6-S,.
-3

-3

Cho ham s6 y=f (X) c¢6 dd thi nhu hinh v& va goi A; B 1a hai hinh phang duoc gach trong

hinh bén duéi 1an lugt c¢6 dién tich bang 14 va 5.
y

0
Gia tri cua | =j f (3X +1)dx bang:

-1

A 9. B.%. C. 27. D. 3.
Loi giai

Chon D

0
Xét | = [ f(3x+1)dx

-1
bat 3x+1=t :dx:%dt
Vi x=-1=t=-2

x=0=t=1
11 1 0 1 1
j2 dt—g_jzf(x)dx:é :[zf(x)dx+_(|;f(x)dx =5(54=8)=3.

Cho ham sb y =-x*+mx* c6 dd thi (C,,) v6i tham s6 m >0 duoc cho nhu hinh v&. Gia sur
(C,,)cdt truc Ox tai ba diém phén biét nhu hinh v&. Goi S, va S, 1a dién tich cic mién dugc

10v5

gi6i han boi d6 thi (C,,) vatruc Ox. Biét m; lagiatridé S, +S, = — hoi m, thugc khoang

nao sau day?
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Y
Sl 52
O x
A. (15;30). B. (5;10). C. (0;3). D. (2;6).
Loi giai

Chon D

Phuong trinh hoanh d6 giao diém coa d6 thi ham s véi truc hoanh la

—X"+mx =0 = .
x2=m X:i\/a

Do db thi ham sb nhan tryc tung lam tryc ddi xtmg nén S, =S,.

10V5 _ o _10V5 55
. .

Taco S, +S, = 282:T<:>82=

v 5.5 (xs mst
“3 T

Ma S, = I (—x* +mx?)dx

0 5 3 3
0
Jm) m(vm) 5
5 3 3 2 4

Cau9: Chohamsd f x liéntuc trén R va cé dd thi nhu hinh vé& dudi day

by
y=f(z)
—1 0 4 4 "
Biét ring dién tich cac mién phing A , B lan lugt bing a va b . Tinh

2
fcosx.f 5sinx—1dx.
0
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Nguyén ham, tich phén va Ung dung

Céu 10:

Cau 11;

A.a_"_b. B. —a—b C_aLb_ le—_a
5 5 5 5
Loi gidi
Chon C

biat t =5sin x—1=- dt =5co0s xdx < cos xdx :%

Pdicin x=0=t=—1, x:%:>t:4.

r1 1f ' a—b
SuyraI:f—f tdt:—[ff t dt+ff t dt]:—
J. 5 5(v, 4 5

Cho ham s6 f(X) lién tuc trén R va 6 db thi nhu hinh v& bén dudi. Goi S; va S, lan lugt 1a

T

2 r E
dién tich cua hai hinh phang trong hinh, biét S;=3vaS,=T7.Tich phan jcos xf (5sin x—1)dx
0

bang:
A -2 D. 2.
5
Loi giai
Chon A
3
Xét | =jcosxf (5sinx—1)dx.
0
biat 5sinx-1=t :>COSXdX=%dt-
Voi x=0=>t=-1
X=£3t24
2
4 1. 1°¢ 1¢ 1t 1. 1 4
=1 =jlf(t)gdt=gjlf(x)dx=gjlf(x)dx+§!f(x)dx=gsl+g(—sz)=—g.

Cho hinh phing (H ) gi6i han béi d6 thi ham s y = x® va dudng thang y =mx véi m=0. Co

bao nhiéu s6 nguyén duong m dé dién tich hinh phing (H ) 1a s6 nhé hon 20 (don vi dién tich).
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Céu 12:

A. 3.

Chon B

C. 6.

Loi giai

D. 5.

Ta c¢6 phuong trinh hoanh d6 giao diém cia hai d6 thi y=x*va y=mx la x*=mx

< X=0,Xx=m.

Véi m> 0, dién tich hinh phang can tinh 1a S = I(mx - xz)dx = (— -~ —x3]
0

3

mx? 1
2 3

s <20<:>%<20<:>m3 <120 & m< /120, ma m nguyén duong nén m e {1;2;3,4}.

Vay ¢6 4 gia tri nguyén duong ctia m can tim.

Cho ham s y=x*—3x*+m c6 dd thi (C,,), véi m la tham s6 thyc. Gia sir (C,,) cit truc OX

tai bén diém phan biét nhu hinh vé

F

_l___

¥

-

‘VH

Goi S, S,, S, la dién tich céc mién gach chéo duogc cho trén hinh vé. Gid tri cia m dé

S,+S,=S5, la
A m= E

4
Loi giai
Chon A

D. m:E.
2

Goi X, la nghiém dwong 16n nhét ctia phuong trinh x* —3x*+m=0,tacé m=—x'+3x2, (1)
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Nguyén ham, tich phén va Ung dung

Cau 13:

Cau 14:

Vi §,+8,=8, va 8 =8, nén S, =25, hay [ f(x)dx=0.
0

! 5 M 5 4
Ma If(X)dX :(Xg—x3+mx] =X1 x13+mx1:)(1(i_x12+mj_

0

5 5

0
4 4

Do do, xl(%—xf+m]=0<:>%—xf+m:0(2).
4
T (1) va (2), ta c6 phuong trinh %—xf—xf+3xf:0 < 4 +10x2 =0 < X} =g.

Vay m=—x' +3% =§.

Cho ham sb bac bén y = x* —4x? +1 va parabol y=x?—k, véi k e R c6 dd thi nhu hinh bén.
Goit §;,S,,5; lan luot 1a dién tich cua phﬁn hinh ph'ﬁmg duoc t6 dam tuong ung trong hinh ve&.
Khi S, =S, +S; thi k thudc khoang nao dudi day?

14

o
(32) e[i9)

Loi giai
Chon B
Do tinh d6i xtmg ciia @6 thi ham s qua truc Oy nén 2S, =S, .
Gia str nghiém 16n nhét ctia phuwong trinh: x* —5x*> +1+k =0 12 a.

a® 5a°

a
Neén: I(x“ —5x% +1+ k)dx:O:E—T+(1+ k)a=0 (1)
0

Do a la nghiém cua phuong trinh x* —5x% +1+k =0 nén:
a*-5a*+1+k =0=a’-5a’+(1+k)a=0 (2)

T (1),(2)=-=a +%a =0=a’ _®

Thay a? = % vao phuong trinh (1) thi dugc k = % :

Cho ham s6 y =ax* +bx*+¢ c6 do thi nhu hinh v&. Pudng thing y=m cét db thi ham sb tai

b6n diém phan biét (nhw hinh v&) véi x, = 2, .
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Phan Nhat Uinh
y

A_A.
V|

Goi S, 1a phan dién tich hinh phang nim duéi duong thang y =m, gi6i han boi duong thing
y=m va db thi ham s6 da cho. Goi S, 1 phan dién tich hinh phang nam trén duong thang

y =m, gioi han boi duong thang y =m va dd thi ham s6 di cho. Tinh ti s6 %
2
AL B. 20, c. p. 2,
8 11 11 19
Loi giai
Chon C
Chon ham s6 y =—x* +5x* —1 va m =3. Khi d6 ta ¢ phuong trinh hoanh d¢ giao diém cua dd

. , =1
thi ham s6 va duong thing 1a —x* +5x° —1=3c>L)((1_2.
, =
1
j(x4—5x2+4)dx:7—6. Suy ra 519
15 s, 11

-1

0 44
Khi 6 S, =2[(—x* +5x° —4)dx = VA s, =
1

Cach 2:
Phuong trinh hoanh d6 giao diém ctia d6 thi ham s6 y = ax* +bx® +¢ va duong thang y=m la

lax* +bx® +¢' =0 (1), véic'=c—-m.

Dit t=x° >0 ta c6 phuong trinh [at> + bt +¢' = 0| (2)

t, =4t b
\ - \ . "
Vi (1) ¢6 hai nghiém X, X, V& X, =2X, nén tir (2) ta phai co {1t +t, :—g:> ap?
C, aC’:E
tltz :g

Khidé S, = —ZI(ax“ +bx* +¢')dx = —2(?+?

5 3 5 [2
K%+%+c'xzj—[%+bi+c'xiﬂ=—“ﬂ
5 3 15

VéSzZzax4+bx2+c'dx=2
' I( ) 5 3
s, 11

Cho hinh thang cong (H) gi6i han boi cac duong y=2", y=0, x=0, x=4. Pudng thing

Cau 15:
x=a (0 <a<4) chiahinh (H) thanh hai phan c6 dién tich S, va S, nhu hinh v& bén. Tim a dé

S, =4S,
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A a=3. B. a=Ilog,13. C.a=2. D.a:Iogz%.
Loi giai
Chon C
a a 4 4
Ta c6: sl:j?dx:i.zx :i(za—l); 32:j2de:i.2X :i(le—za).
0 In2 |, In2 A In2 |, In2

S,=48, <16-2"=4(2"-1) = 2" =4 a=2.

Cau 16: Cho ham s bac ba f (x) c6 do thi ham s nhu hinh v& bén. Bict ham so f (x) dat cuc tri tai
hai diém x,, X, théa man x, =x,+2 va f(x )+ f(x,)=1. Goi S,,S, la dién tich cua hai hinh

phang duoc cho trong hinh vé bén. Tinh ti s6 S
2

by
y = f(x)

o

Np=e=—=-

' ra x
0 / 1 V7 H
N
A2 B3 c.3 D. 2
4 5 8 3
Loi giai
Chon B

Khong mét tinh téng quat, tinh tién d6 thi ham bac ba y = f (X) sao cho diém udn ciia d6 thi
thudc truc tung = X, +X, =0. Laicd X, =X +2 nén x =-1,x, =1.

Theo gia thiét, ta c6 f'(x)=k(x—1)(x+1)=k(x*~1) véi k>0,

Suyra f(x)= k(xg—x}tc.

Do f(-1)+f()=1eXsc-Hico1oc=t
3 3 2
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X3 2k 1
Suyra f(x)=k| ——x .
y ( ) [3 3 2
y= f(x)
A
|
- -
r 1
TacéSz=j{f(x)——}
-1
EE
Xt &::&MC—SZZBCJC_ ji_1:§_
SZ S2 % 5
12

0
Cau 17: Chohamsb y=f (X) lién tuc trén doan [—5; 6] ¢4 dd thi nhu hinh v&. Gia tri cta I f (X)dX
s

bang.
yl\
A 2. B. p. 3.
2 2 2
Chon D
X
Taco

95 | Facebook tac gid: Phan Nhét Linh



Nguyén ham, tich phén va Ung dung

Cau 18:

1 1
Syec =, BC.AB="63=0,
1 1
Spee ==DF.EF =—-.1.2=1.
DEE 2 2
1 1 3
SFEGO :E(Go-i‘ EF)DO 253125
Khi do
0 -2 -1 0 3 13
I f(x)dx:.f f(x)dx—j f(x)dx—j f(X)dX =S n5c—Spee — Sreco =9—1—E:E.
-5 -5 -2 -1

DPuong thing y=m (O <m< 1) cit duong cong Yy = x* —2x? +1 tai hai diém phan biét thudc goc
phan tu thir nhét ctia hé toa dd Oxy va chia thanh hai hinh phang c6 dién tich S;, S, nhu hinh
vé&. Biét S, = S,. Ménh d& nao dudi day dung?

Y

-

y=m

A. me(O;gj. B. me[ D. me(§;lj
5 52 5
Léi giai
Chon A
Phuong trinh hoanh d6 giao diém duong cong va dudng thang y =m (O <m< 1) :
2_1= 2:1
x4—2x2+1:m<:>(x2—1)2:m<:> X Vm o JM/E.
x> —1=—Jm | x*=1-+m
Hoanh d6 giao diém thudc cung phan tu thir nhat 1a: x, =1+/m va X, =y1-/m .
1-m 1+m
Taco S, =S, = _[ (x*—2x* +1-m)dx = J (m—x*+2x* ~1)dx
0 1-Jm
h—m N
& j (x4—2x2+1—m)dx:— I (x4—2x2+1—m)dx
0 1-m
Vi Jorm
& .[ (x4—2x2+1—m)dx+ I (x4—2x2+1—m)dx:0
0 i
1+\/E
& j (x4—2x2+1—m)dx:0
0
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Cau 19:

@(%5—%(3+x—mxjm0<:>( 1+f) —2( 12\/5) +\/1+\/H—m\/1+\/5:0
<:>( 1+f) —2( 12\/5) +1—m:0<:>(l+\5/a)2—2(1+3\/E)+(1—\/E)(l+\/a):0
@@—%(l—\/ﬁ):o (1+\/H¢o)@1+\/_=g@m:;—ie[o;§)

Cho dudng thang y = % X+a va parabol y = x’ (a la tham s thuc). Goi S,,S, lan luot 1a dién

tich ciia hai hinh phang dugc t6 dam va gach chéo trong hinh v& bén. Khi S, =S, thi a thudc

khoang nao dudi day?

y=1* | Y
Sy
S1
1 O x
y—§x+a ]
A. (Z4j B. (—iﬁj C. (§3) D (SZJ
2 16 2 2 2
Loi giai

Chon A

: , 1
* Phuong trinh hoanh d6 giao diém ctia cua hai do thi: SX+as X* < 2x* —x-2a=0
Theo gia thiét, phuong trinh c6 hai nghiém phan biét < A=1+16a>0< a> —%

L
X122

P=x+X,=-a

Khi d6, phuong trinh c6 hai nghiém X, X, (Xl < Xz) thoa:

X

X

A s \ 2 4 [ X 0 5 X2
* Dién tich hinh phang: S, = le E+ a dx+| x“dx= TJF ax

-2a

1, 1 , 1 5 1, 1, )
==X +tax,——.da +2a" —=x =—=X +—=X +ax +a
4X1 ax, 4 3X1 3X1 4X1 ax,
3
2 Xy X, —
Dién tich hinh phing S, = '[ (l X+a— ijdx — w
w2 6
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3 3
I3 X —
* Theo gia thiét, S, =S, @i(xf—4a2)+a(x1+2a)_ﬁ:w
4 3 6
2
@—%(xf+x§)+%x1.x2(x2—xl) %+a.x1+a2=0
2
1-v1+16a _
—1(}+3—aj—§,/1+4a+( )+a.1 1+16a 2o
618 2 2\V4 64 4
= a=23,684.

Cau 20: Cho ham s bacba y = f (x) c6 do thi 1a duong cong trong hinh v&

Y

Sy

1a dién tich hai hinh phang dugc gach trong hinh v&. Ty s6 S bang

S2
A S B. 2 c. 3 p 3
4 8 8 5
Loi giai
Chon D
y VY
2a
S f(z) 9(z)
Sy

. D) 1 -
0 &Iy g xr _1 O i ,%

Tinh tién db thi sang trai sao cho do thi ham s6 y=g (X) ¢6 diém ubn 1a gbc toa d6 O va hai
diém cyc tri x,=-1, x, =1.
Khi d6 g'(x) la tam thirc bac hai c¢ hai nghiém =1 nén g'(x)=3a(x+1)(x-1)=3a(x* -1)

voi a#0.
3

T do ta co g(x)=3a(%—x}+b<:>g(x)=a(x3_3x)+b.
Do g(x) di qua gbc toa dd O nén b=0,suy ra g(x)=a(x’-3x).
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Cau 21:

Cau 22:

0 4 2 O
Taco S, = [a(x*-3x)dx=a X 30 _%a
) 4 2 )1 a

Lai c6 S, +5S, bang dién tich cta hinh chit nhat c6 hai kich thudc 1 va g (—1) =2a, suy ra

S,+S,=2a.Do dé slzza—%z%a.vay %zg
2

Cho ham s bac ba f (x)c6 dd thi nhu hinh v& bén. Biét d6 thi ham sé f (X) cét truc hoanh tai

ba diém phan biét c6 hoanh d x,x,,x, thoa man X, = X, + 23 va x, X, X, theo thur ty 1ap

thanh mot cap s6 cong. Dién tich hinh phing gach soc trong hinh v& bang
Y\

V3t -1

O T1 xI9 I3 £

A 643 B. 46 . C. 43. D. 6.
Loi giai
Chon D
Dién tich phan gach soc trén hinh 1a hinh phang giéi han béi cac duong y = V3, y=f (X),
X=X, X=X;. Do do,

S :]E(\/g— f (x))dx=]§\/§dx—T f (x)dx=\/§(x3—x1)—]é f (x)dx=6—T f (x)dx

. L b
Xét f(x)=ax’+bx>+cx+d. Theo viet €6 X, +X, + X, =——
a

Mit  khac X, X,X, theo thd ty lap thanh cdp s6 cong nén
b b oz ,

X+ X+ X = (X + X )+ X, = 2%, +X, =3%, =—==>X, :—3—:>U (x,;0) 1a diém udn cua do
a a

thi ham sb da cho. Vi vdy, truc hoanh cing vé6i d6 thi ham s6 f () tao thanh hai hinh ¢6 dién

tich bang nhau tirc f f (X)dX=—J. f (X)dX@I f (x)dx=0.

X X

Vay S=6.
Cho ham sé bac ba y = f (x) c6 db thi la dudng cong trong hinh bén. Biéthamsé f (x) dat cuc

tri tai cac diém X, X, sao cho x,—x =2 va f"(2)=0. Goi S; va S, la hai hinh phang duoc

gach trong hinh bén. Ti s6 % bang:
2
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Céau 23:

Y

>
ENE

vy)
w|

C. 3 D.
5

| w

Loi gidi
Chon A
pat f(x)=ax’+bx* +cx+d, (a>0)= f'(x)=3ax’ +2bx+c = f"(x)=6ax+2b.

f”(x):0<:>6ax+2b:0<:>x:;—:.Vi f"(2)=0 nén ;_ZZZQbZ_Ga'

Mat khac, theo dinh ly Viet thi x, +x, = ;—ib =4, kéthop véi x,—x, =2 tasuyra x, =1, x, =3

Do d6, %%, =3i=3@c=9a. Tirdotaco f(x)=ax’—6ax*+9ax+d.
a

Tur do thi ham sé tasuy ra f (2)=0<8a-24a+18a+d=0<d=-2a.
Suy ra f(x):a(x3—6x2+9x—2).
X=2
Xét phuong trinh f (x)=0& x> —6x2 +9x-2=0| x=2-+/3<2
Xx=2++3>2

2-3
Tir dy ta tinh duge S, =-a | (x3—6x2+9x—2)dx:%,
0

S,=a Jl‘ (x3—6x2+9x—2)dx=a.
-3

Cho ham s f (x)=ax"+bx?+c c6 dd thi nhu hinh v&. Biétrdng f (x) dat cuc tri tai cdc diém
. 2 ) )
X, ; X,; X, thoa man X; =X +2 va f(x1)+f(x3)+§f(x2):0. Goi S,, S,, S;, S, la dién

. R 2 s ~ 1A . 2 S5 +S A Ao oo A 2 re A
tich cac hinh phang trong hinh v€ bén. Ti s6 —=—2% gan nhat vdi két qua nao dudi day?

3t 9,
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-~

¥

A. 0,65. B.0,7. C. 0,55 D. 0,6.
Léi gidi
Chon D
Hamsb f(x)=ax*+bx’+c co
x=0 x=0
f'(x)=4ax’+2bx=0 < oo b e x—+\/j (ab<0)
2a '\ 2a

Do d@6 ham s6 c6 ba diém cuc tri X; X, =0; X, =X VAy X, =X +2 & X =X +2 <% =-1
=X =1.
Suyra f'(x)=4a(x+1)x(x-1)=4a(x’ -x)
f(x):jf’(x)dx:a(x4—2x2)+c
2

Do f(x)+f (x3)+E f(x)=0c f(-1)+f (1)+§ f (0)=0<:>(c—a)+(c—a)+§c:0

1
X =t
Xét f(x)=0<:>x4—2x2+%:0<:> V2
N
2
1 1
7 N7
Vay S, = I f(x)dx:aj(x4—2x2+§jdx:@a
0 0 4 30
1 1
SZ:—I f(x)dx:—aj(x4—2x2+§jdx:w§—_l7a_

NA 2

Suy ra Sl+82:2&/§—o_ﬂa.

Tac6 S, +S,+S,;+S, 1a dién tich hinh chi nhét c6 kich thude 1; f(x,)—f(x;)=a.
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_ 7(11-442 _
Do dé 53+s4=a—(sl+sz)=a—28‘/E LI ( )a:>81+52= 28J2-17_ 6
60 60 S,+8,  7(11-442)

Cau 24: Biét ring dudng thing d : ax+b cit parabol y =/6x’tai hai diém A(X;Y,);B(X,;Y,) sao cho
Y, + Y, = 20/6 va dién tich hinh phing gi6i han boi d va (P)bing 36+/6 goi S,;S, 1 dién tich
hinh phing duoc gi6i han trong hinh. Téng S, +S,

Y Y= vf(i.z';’
“““ 1
’
7
S //'/ Yo = =
/7/' 5'-_1
7 //// 7}y =ax b
T O 2 xr
A. 30V6. B. 2746 . C. 186 D. 246 .
Loi giai
Chon D
Phuong trinh hoanh d6 giao diém J6x?2 =ax+b < J6.x2—ax—b=0 co 2 nghiém X;; X, thoa
-b
man +X =
X \/— XXy = \/6

Dién tich hinh phang gi6i han béi parabol va duong thang 1a:
3 5 3
A3 (a2+4\/5b) (6(x1+x2) —24x1.x2) (% -%) 2
= 4: 7 = 5 = =(36\/€) @XZ_X1:6
Matkhac S, +S,+S 14 dién tich hinh thang vudng cé chiéu cao 1a X, — X, =6, tong hai day bang

2046 =5, +5, +s_20‘/_ =S, +S, = 60/6 —36+/6 = 24+/6.

Cau 25: Cho hamsé f(x)=ax'—2x"+2;g(x)=bx’+cx’ +2x c6 dd thi nhu hinh v& bén:

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 32



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

, 557 .
Goi S,,S, 1a dién tich cac hinh phang gach soc trong hinh v&, khi S, = 180 thi S, bang

2
2 B. 2. c. 2L p. %
240 4 480 240
Loi giai
Chon A

Taco f'(x)=4ax’—4x

Do ham f (x) bac bdn, ham g (x) béc ba va ham s6 f (x) dat cuc tri tai cac diém 13 nghiém

cua phuong trinh g(x)=0 nén
b = 4ka =-2a
g(x):k.f’(x)c>bx3+cx2+2x:k(4ax3—4x)<:> c=0 <{c=0
2=~k | __1
2

Khi do f (x)=ax* —2x* +2; g (x) =—2ax’ + 2x
Dién tich hinh phang S, 12

S, = T(f(x)—g(x))dx= j;(ax4—2x2+2+2ax3—2x)dx

0

=(1ax5—gx3+2x+lax4—x2j _rt

5 3 2 1 6 40
2

, 557 7 1 557 1

Tac) §,=—=>--—a=""oa==

480 6 40 480 4

Vi a:i: f(x):ix4—2x2+2; g(x):—%x3+2x

x=0

Khi d6 g(x):0<:>—lx3+2x:0<:>
2 X=12

Vi vay, dién tich hinh phing S, 12

S, :J:‘(g(x)— f (x))dx:ﬂ(—%x3+2xj—(%x4 —2x? +2de:%.

2

Cau 26: Chohamsd f(x)=ax’+bx*+cx—1; g(X)=mx*+nx+1 c6 dd thi nhu hinh v& bén
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Y

Biét rang f''(2)=0 va hai d0 thi ham s da cho cét nhau tai ba diém phéan biét c¢6 hoanh d¢
X, X,, X, théa man X, + X, + X, =7 . Dién tich ctia hinh phang gach soc trong hinh v& thudc
khoang nao dudi day?

A. 0;g . B. El . C. 1§ .

5 52 25
Loi giai
Chgn C
Taco: f'(x)=3ax*+2bx+c;f"(x)=6ax+2b= f"(2)=0<12a+2b=0<b=-2a

Vay f(x)=ax’—6ax’ +cx—1.
Do f(x) 1a ham sb bac ba va g(x) la ham sd bac hai va quan sat d6 thi da cho tai cac diém cuc

tri X,cua f(x) thi g(x,)=0

Do do:
m = 3ka

9(x)=k.f'(x) < mx® +nx+1=k(3ax* —~12ax+¢) <> ¢n =-12ka = g (x) = 3ka(x* - 4x)+1
1=kc

mRing(x):g(2)=1—12ka=—%<:>ka:é:> g(x):%(x2—4x+3).

Phuong trinh hoanh d¢ giao diém:

5—J1_3_X_5+J1_3
S X .

f(x):g(x)<:>%x3—2x2+3x—1=%(x2—4x+3)<:>x: ;

Vay dién tich can tinh can tinh 1a:
5-\13 5-\13

S=- f (f(x)-g(x))dx=- f (%x3—2x2+3x—1—%(x2—4x+3)jdx=%zo,5851.
0 0

Cau 27: Cho hai hamsé f (x)=ax’+2x* +bx+1g(x)=cx* +4x+d cé bang bién thién nhu sau:
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f(2) x\ / \:x

Biét rang d6 thi ciia hai ham s da cho cit nhau tai 3 diém phan biét c6 hoanh d6 X, X,, X, thoa
min X, +X, +X, =9 . Khi d6 dién tich hinh phang giéi han boi cic dudng
y=f(x);y=0(x);x=1Lx=2 bing

A.g. B.g. C.l. D.
4 2 4

Loi giai

N |-~

Chon A
Tai cac diem cuc i B cia thi  g(a)=9g(B)=0 d6 do

g(x)=c(x—a)(x—p); f'(x)=3ax’ +4x+b=3a(x—a)(x— )

c=3ka k=1
Do do: g(x)=k.f'(x) < cx® +4x+d =k(3ax’ + 4x+b) < 14 =4k < ic=3a.

d=kb d=b
Suyra: f(x)=ax’+2x* +bx+1g(x)=3ax* +4x+b.
Phuong trinh hoanh do giao diém:
ax’ +2x* +bx+1=3ax* +4x+b < ax’ +(2-3a)x* +(b-4)x+1-b=0
- 3a-2 1 ) NP
Viet: X1+X2+X3:T=9<:>a=—§:>g(x)=—x +4x+b dat gia tri 16n nhat tai X, =2

va gié tri 16n nhat d6 bing g(2)=1<b+4=1<b=-3=c=-1d =-3.

Viay S:i
1

—%x3+3x2 _7x+4dx =2

Cau 28: Trong mit phang toa do Oxy xét do thi (P): y =1+/x va duong thang d : x=a cit nhau tai
diem A.

y=1++x

sy
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Ki hi¢u S la dién tich hinh phang gi6i han béi cac duong Oy, (P) va duong thing OA; S' la

dién tich hinh phang gi6i han boi cac duong Oy, (P), Ox va d. Gid sirrang S = %S' , hoi gia
tr1 a thugc khodng nao sau day?
A. (0;4). B. (48). C. (8;16). D. (16;+).
Loi giai
Chon C

Taco S'=j‘(l+\/;)dx :[x+2X;&J = +2a\/5.
0 0

3

Mit khac S :%S’ nén dién tich hinh phing giéi han boi duong thang OA, Ox va d la

2
5, =8,
b3

1 2(, 2aVa 2
Do d6 —.a.|l al|=— —a+— a a=—a+—a
002(“/_)3{ 3} yarsala-gargah

11 2 4
—+=Ja==+-+a
2\/_ 3 9\/_

@%x/_:%@x/a:3<:>a=9.Véy ae(816).
Cau 29: Chohamsdbacba y= f(x) c6dd thi la dudng cong trong hinh bén. Biéthamso f (x) dat cuc

tri tai hai diém X, X, thoa man x, =x +2 va f(x )+ f(x,)=0.Goi S, va S, la di¢n tich ctia

hai hinh phang dugc gach trong hinh bén. Ti s6 % bang

2

yl
NS
S
[9) T ::Ez T
I
I
A B. 2 c.2 p. 2
4 8 8 5
Loi gii
Chon D

R rang két qua bai toan khong doi néu ta tinh tién do thi ham s sang tréi theo truc OX mot
doan X, ta sé dugc dd thi méi nhu sau
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Céu 30:

Cau 31:

Goi g(x)=ax>+bx*+cx+d la ham s6 méi, khi d6 d& thay g(x) 1é nén co ngay b=d =0 va
g(x)=ax’+cx co hai diém cyc tri tuong tmg 1a —1,1, ciing 1a nghiém ctia 3ax* +c=0. Tl d6

d& dang co g(x) =k (x*—-3x) véi k>0.

0
Ta c6 dién tich hinh chir nhat 1a S, +S, =|(~1).g (1) = 2k . Ngoai ra, S, =k [ |x* —3xjdx = *
-1

e
Vi thé sl=2k—sz=2k—%=%,5uyra 5.3
4 4 S, 5
, \ . In sin x4+ cos x
Dién tich hinh phing giéi han boi cac db thi ham sé y = : j ,y:0,X:%,X:g
SIN” X

1aS="1bInvc véi acZ va b,c 14 cac sb nguyén t6. Khi d6 a+b+c bang
a

A. 0. B. 1. C.2. D. 3.
Loi giai
Chon B
i Z1n sin X +cos x
Taco S= |2 — dx
" sin” x
. COS X —Sin X
u=In sinx+cosx = du=——————dx
Sin X + Cos X
— COS X +Ssin X
dv=———dx=v=—cotx—1= -
sin® x sin x
— €0S X +sin X ) z ~COS X —Sin x
S = _ In sinx+cosx |? fﬁzwdx
sin x T n sin x
S=2In2+ Insin x| — x 3:%+3In\/§
2
Suyraa+b+c=—-4+3+2=1.

Trong mit phiang Oxy , xét tir giac c6 dién tich bang In % ; cac dinh c6 hoanh d9 1a cac s nguyén

lién tiép va nam trén do thi ctia ham sd y = In x . Hay tinh tong cac chit s6 ciia hoanh d6 dinh xa
gbc toa do nhat:
A 6. B. 5. C. 7. D. 8.
Loi giai
Chon A
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Cau 32:

Yy
D/
C/
B/
A
0 E F G H v

Giasircacdiém A; B; C; D thudc do thi ciaham sé y =Inx c6éhoanh do lanluotla a; a+1
ca+2; a+3 vacacdiém E; F; G; H thudc truc Ox céhoanhdd lanlugtla a; a+1; a+2
; a+3, trongdd aeN”,

Ta Cé: SABCD = SABFE + SBCGF + SCDHG - SADHE

1 1 1 3
:E[In a+|n(a+1)]+§[ln(a+1)+In(a+2)]+z[ln(a+2)+In(a+3)]—§[ln a+In(a+3)]

SN |n%= |n% < a’+3a-180=0 < 221_215 (10"}

Khi @6 hoanh d¢ dinh xa gbc toa do nhat 1a x, =15.

Vay téng cac chit s6 ciia hoanh do dinh xa géc toa d0 nhat1a 1+5=6.

Cho ham s§ y =+/x ¢ db thi (C) va diém M thugc (C) c6 hoanh do duong. Goi S, 1a dién
tich hinh phang gi¢i han boi (C), truc hoanh va dudng thing di qua M va vudng géc véi truc

hoanh; S, 1a dién tich hinh phang gi6i han boi (C) va duong thang OM. Biét S—Z :% (voi

1
* oad . A K (As sa cr s MY
a,beN VaE la phan so toi gian), gia tri cia a+b bang

A 6. B. 5. C.19. D. 21.
Loi gidi
Chon B
Goi M (m;v/m)&(C) véi m>0. Khi do, OM y=—t
Jm

y
y=vz
Vit M

m
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g 2 g 1 1 S 1
Tacé S, = \/de:—\/m3 va S, = {\/;——x}dx:—\/mVDodé ~2-=_Vay a+b=5.
1 ! 3 : ! Jm 6 s, 4 "
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Cau 33: Cho hamsb bacba y = f (x) c6 dd thi la dudng cong trong hinh v& bén. Biét ham s6 f (x) dat

cuc tri tai hai diém X, X, théaman X, =X +2 va f(x)+f(x,)=0.Goei S, va S, la dién tich

ctia hai hinh phing dugc gach trong hinh bén. Ti s& % béng
2

YA
N\
N\
;S'Z'
= T -
0 X |‘E2 T
I
|
A S B. 2 c. 2 D. 3
4 8 8 5
Loi giai
Chon D

Goi f(x)=ax’+bx’+cx+d,voi a>0 = f'(x)=3ax’+2bx+c.
Theo gia thiét taco f'(x)=f'(x,)=0= f'(x)=3a(x—x)(x=X,)=3a(x—x )(x=x—2).
= f’(x):3a(x—x1)2—6a(x—x1).
If x)dx=a(x—x) —3a(x-x) +C
Taco f(x1)+f( X,)=0= f(x)+f(x+2)=0 = C+8a-12a+C=0=C=2a.
Do d6 f(x):a(x—x1)3—3a(x—x1)2+2a=a[(x—x1)3—3(x—x1)2+2]
x:x1+1—J§
f(x):0:>a[(x—xl)s—B(x—x1)2+2}:O<:> x=x +1
x=x1+1+«/§

X +1 X +1

Suyra S, = J' f(x)dx= _[ a[(x—x1)3—3(x—x1)2+2de

X X

X +1 X +1
Mit khdc taco S,+S, = | f(x)dx="f(x) [ dx=f(x)=2a —5,=2a-5,=2

X
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Cau 34: Cho f(x),g(x) lan luot la cac ham da thuc bac ba va bac nhat c6 do thi nhu hinh v&. Biét dién

1
tich hinh S (dwec t6 mau) bing % Tinh jf(x)dx.
0

N
48

Chon A
¢ Giastr f(x)=ax’+bx*+cx+d;g(x)=ex+ f

Do d6 thi ham s6 g(x) =ex+ f diqua (%;1);(3;2) nén suy ra g(x)=§x+%
Va co §x+1:—1<:>x:—2
5 5

* Co pthd giao diém ax® +bx? +cx+d —g X —% =a(x+2)(x— g)(x -3) (%)

a(x+2)(x—%)(x—3)dx=a 2000 _ 250 <:>a=i

Va S = . =—
243 81 20

— W |

N

. . . 7 7
* Tir (*) dong nhat céac hé s6 tim duoc bz—E;c=— ;d =z

Sl

x3—lx2—ix+z)dx—61

1 1

3
o Vay [f(dx=[(= S
'yl() g(zo 207 10" 5 48

Cau 35. Cho ham sb bac bén y = f (x). Biét rang ham s6 g(x)=In f (x) c6 bang bién thién nhu sau:
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X +co

X —o0D X, 3

+o0 In42 +o0

g(x) \ / I 7

In10

Dién tich hinh phing gi¢i han béi cac duong y = f'(x) va y=g'(x) thudc khoang nao dusi

day?
A.(38;39). B.(25;26). C.(28;29). D.(35;36).
Loi giai
Chon D
., f'(x
+Taco: g'(x)= f((x))'

+ Tlr bang bién thién ta thiy g(x)>0, VxeR suyra f(X):eg(X) >1, VxeR.
+ Phuong trinh  f'(x)=g'(x) < g'(x).f (x)=g'(x) < g'(x).| f (x)-1]=0=g'(x)=0

X=X
S| X=X, .
X=X,

+ Dién tich hinh phang gi6i han boi cac duong y = f'(x) va y=g'(x) la
; (%)l [f f'(x)

f'(x)- d f'(x)- d

[ o0t oo - o

37 1
J'(l—fjdt ~ 35,438 €(35;36).
42

X3

-]
i(1-2)a
10 t

+

f'(x)-g'(x)|dx =

t=F(x)
+
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Ung dung tich phan tinh dién tich hinh phang

Cau 1:

Céu 2:

Cau 3:

Trong mit phang OXy cho (H) 1a hinh phang gi6i han béi parabol y=4-x va truc hoanh.
Dudng thang x=k (-2 <k <2) chia (H) thanh hai phan (H,), (H,) nhu hinh v& duéi:
Nole=k

"

/ 0]

Biét rang dién tich cua hinh (H,) gap 70 lan dién tich cua hinh (H,), hoi gia tri cua k thudc

khoang nao sau day?
A. (-2;-1). B. (0;1). C. (-1,0). D. (1;2).

Cho ham s6 f(x) =ax® +bx® +cx+4 va g(x) = mx* +nx co dd thi trong hinh bén.

Dién tich ctia hinh phang gi6i han boi d thi cia hai ham sb trén (phan gach chéo trong hinh vé)

bang
A2 B. Y. c. 3 p. 37
4 2 12 6

Cho ham s bac bén y = f (x) cb dd thi (C) nhu hinh v& bén. Biéthamsd y = f (x) dat cuc tri
tai cac diém X, X,,X; théa man X, =x +2, f(x )+ f (X3)+§ f(x,)=0 va (C) nhin duong
thang d : X =X, lam truc d6i ximg. Goi S,,S,,S;,,S, 1a dién tich cta cac mién hinh phing dugc

. A \ A . A S +S, s s 2N A
danh dau nhu hinh bén. Ti s6 —2——2 gén két qua nao nhat?
+
3 4
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X1

A. 1.62. B. 1.68. C. 1.64. D. 1.66.

Cau4: Chohamsd y=x"—-3x"+m c6dd thi (C,), voi m 1a tham s thuc. Gia str (C,,) cat truc Ox
tai bén diém phan biét nhu hinh v& dudi:

Goi S;; S,; S, la dién tich cac mién gach chéo duoc cho trén hinh v&. Gia tri cia m dé

S,+S,=5, Ia
Am=—2. B.m=2, C.om=-2. D.m=2.
2 4 4 2

Cau5: Cho parabol (R):y=-x*+6 cit truc hoanh tai hai diém phan biét A B va duong thing
d:y=a(0<a<6). Xét parabol (P,) di qua A B va c dinh thudc dudng thing y =a. Goi

S,1a dién tich hinh phang gi¢i han bsi (B,) va d; S,1a dién tich hinh phang gi6i han bai (P, )
va truc hoanh (tham khao hinh v¢).

(P1)

2

S
y=a
/7 Py)
S
A B
V6! *
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Céu 6:

Cau7:

Céau 8:

Cau 9:

Biét S, =S,, tinh T =a®-12a*+108a.
A. T =218, B. T =219. C. T =216. D. T =217.

D) thi cua ham sb y = x* —5x* +4 cit duong thing d : y = m+1 tai bdn diém phan biét va tao

ra cac hinh phang c6 dién tich S,,S,,S,. Biét rang khi S, +S, =S, thi m 1a mot sb hiru ti duge
¥ e A IS a . * A, 2
viét dudi dang phan so toi gian m = iy voi a,be N . Giatri cia P=b—a bang

}Jk

S3
y=m+1

51

A 19, B. 21. C. 53. D. 17.
Cho ham s§ y =+/X ¢6 d thi (C) va diém M thudc (C) c6 hoanh do duong. Goi S, 1a dién
tich hinh phang giéi han bai (C), truc hoanh va dudng thing di qua M vudng goc véi truc

hoanh; S, 14 dién tich hinh phang gidi han boi (C) va duong thang OM . Biét % = % gia tri
ciia a+b bang l

A.5. B.6. C. 19. D. 21.

Ham sd bac ba y="f (X) 6 d6 thi (Cl) di qua diém A(l;O) : ham s6 bac hai y=9 (X) c6 @6
thi (C.) di qua diém B(L—4). (C.).(C.) cit nhau tai 3 diém phan biét c6 hoanh d6 1an luot
la —1;2;3. Tinh dién tich hinh phang gidi han boi hai do thi (C.).(C,) ?

a 15 B. 32, c. p. 12
3 3 6 3

Cho ham sé bac ba f (x) c6 o thi ham s nhu hinh v& bén. Biét ham s6 f (x) dat cuc tri tai

hai diém x,, X, théa man x, =x,+2 va f(x )+ f(x,)=1. Goi S,,S, Ia dién tich cua hai hinh

phang dugc cho trong hinh vé bén. Tinh ti sb S

y= f(z)
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2 B. 3. c.
4 5

D.

| w
w| o

Cau 10: Cho parabol (P):y =-4x’ va hai diém A, B trén (P) sao cho doan AB = 2. Tim dién tich 16n
nhit caa hinh phing gidi han béi (P) va duong thang AB .

A.E. B 4 C.g. D. 4.

3 '3 3
Cau1l: Cho hinh phang (H)duoc giéi han béi do thi cia hai ham s6 da thirc bac bén y = f (x) va
y =0(x). Biét rang d6 thi ctia hai ham s6 cat nhau tai hai diém phan biét c6 hoanh do lan luogt

la —1;2 va tiép xtic vi nhau tai diém c6 hoanh d¢ bang -3. Dién tich hinh phang (H ) ( Phan

gach soc trén hinh vé bén) gan voi két qua nao dudi day?
Yy

A. 311, B. 2,45. C. 3,21. D. 2,95.
Cau 12: Do thi (C)cuaham sé y=—x* +5x* —4 cat duong thang (d):y =m tai bon diém phén biét va
tao ra cac hinh phang c6 dién tich S,,S,, S, (nhu hinh v&).

4y

Biét ré‘mg khi S, +S, =S, thi gid tri cia m 1a mot s6 hitu ti duoc viét dudi dang phan s6 t6i gian
E,trong d6 qeN',peZ.Tinh T = p+aq.
q

A. T =55. B. T =17. C. T=-55. D.T=-17.
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Cau13: Chohamsd y=x*-3x>+m c6 dd thi (C,), véi m la tham sé thuc. Gia st (C,,) cat truc OX

Céu 14:

Céu 15:

Cau 16:

tai bon diém phan biét nhu hinh vé

Goi S,,S,,S, 1a dién tich cac phan gach dugc cho trén hinh vé&. Gia trj cia mdé S, +S, =S, la

A.m:—i B.m:E. C.m:—§. D.m:E.
2 4 4 2

Cho ham sb y = x*—3x?+3 ¢ db thi (C). Goi E 1a mét diém thugc (C) sao cho tiép tuyén
cia (C) tai E cét (C) tai diém thirhai F va dién tich hinh phang gi6i han béi dudng thing EF
véi (C) bing g . Tiép tuyén cia (C) tai F cit (C) tai diém thir hai Q. Dién tich hinh phing

gi¢i han boi duong thing FQ véi (C) bang

A 2L B. 2. c. 22 D. 1.
4 8 64 64

Cho parabol (P):y=x? va dudng thang (d):y = f(x)=ax+b c6 d6 thi nhu hinh v& dui
day. Biét parabol (P) va dudng thang (d) cdt nhau tai hai diém phan biét c6 hoanh do X, X,
théaman X, =X +3 va f(x)+ f(x,)=5.Goi S;, S, 1a dién tich hinh phing duoc gach trong
hinh. Téng S, + S, bang

Yy

y=axr+0b

x 0 T2

D. —.

AL B.
3

Wl
O
w

8
3
Cho ham sb f(x)=ax"+bx*+1,(a=0,a,beR) ma do thi ham s6 f"(x) va dd thi ham sb

f (x) co mot diém chung duy nhit va ndm trén truc Oy (hinh v&), trong d6 X, 1a nghiém ctia
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f (x) va £x, 1a nghiém ciia f"(x), (%X, >0). Biét x, =3X,. Tinh dién tich hinh phing gi6i
han béi cac do thi f(x), f”(x) va truc OX.
v A

-

—xr O 2 |
I(x)
(=)
A 2. B. 13 c. 12, p. 2.
45 15 15 45

Cau 17: Hinh (H) duogc cho dudi day 1a hinh phiang dugc gi¢i han béi hai duong (C,): y:|x|+x/l6—x2
. (C,):y=|X|-V25-x* va hai doan thing (d,):y=x véi xe[45],(d,):y=-x véi
x €[-5;—4]. Tinh dién tich S ciia hinh (H).

» /___ 1 - _‘"\\ e
Ny
II Il
' /

\ /

A B. 2% c. p. 4.
2 4 2 4

Cau 18: Cho ham da thirc bac nam Yy = f (X) c6 @5 thi ham s6 nhu hinh v&. Biét x,,X,, X;, X, theo thir tu
. 2 . LS s
1ap thanh cap s6 cong c6 cong sai d =1. Ti s0 -+ bang

Ay

0
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A 16 B. c. i p. 1
7 11

9

o] oo

Cau 19: Cho ham sb bac bbn y = x* —4x® +1 va parabol y =x*>—k, voi k€ R ¢ @6 thi nhu hinh bén
duoi.

Goi S,,S,,S, lan luot 14 dién tich clia phan hinh phang dwgc t6 dam twong ting trong hinh vé.
Khi S, +S, =S, thi k thudc khoang nao dudi day?

B. [QEJ C. (EBJ D. (ﬁg)
5 4 4 75
Cau 20: Cho hai ham s6 y=f (x)=ax®+bx’+cx+d va g(x)=mx’+nx+k cat nhau tai 3 diém c6
hoanh d¢ —1;%;2 va ¢6 d6 thi nhu hinh v&
yA

y = g(x)

~Y

v = fix)
T A s \ . . 81 ... A s 2 . e AA
Biét dién tich phan hinh ké soc (‘hinh S, ) bang R Dién tich phan hinh phang gidi han bdi do

thi ham sé y = f (x), y=0g(x) va hai duong thang x = %, x = 2 ( phan boi den trong hinh v& )

bang
AL B, 22 c.2 p. 2,
24 96 32 16

Cau21: Chohamsébacba y= f(x) c6dd thila duong cong & hinh bén dudi. Goi X, X, lan lugt 1a hai

diém cyc tri théa man X, =X +2 va f(x)—-3f(x,)=0. Duong thing song song véi truc OX
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va qua diém cyc tiéu cit d6 thi ham sb tai diém thir hai c6 hoanh d6 X, Va X, =X, +1. Tinh ti s6

% (S, va S,1an luot 1a dién tich hinh phang duoc gach ¢ hinh bén dudi).
2

)

—_—

D.

o | o1
O

@ | w

o | ©

A. § B.
5

Cau22: Cho f(x),9(x) Ian lugt Ia cac ham da thuc bac ba va bac nhit c6 do thi nhu hinh v&.

y f(x)

2
Biét dién tich hinh S (duoc o mau) bing %.Tl’nh [ (x)dx.
0

D. 34

AL B. 38 C.
3 15

15

w|ow

Cau23: Chohamsé f(x)=ax"+bx*+c c6dd thi nhu hinh v&. Biét rang f (x) dat cyc tri tai cac diém

X,; X,; X; théa man X, =X +2 va f(x1)+f(x3)+§f(x2):0. Goi S,, S,, S;, S, la dién

. Lo 2 s x 1.4 .« S +S A A, o1 A 2 P
tich cac hinh phang trong hinh v& bén. Ti s0 —2—2 gan nhat vdi két qua nao dudi day?
+
3 4

A. 0,65. B.0,7. C. 0,55. D. 0,6.
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Cau24: Cho hai hamsé f (x)=ax’+2x*+bx+1 va g(x)=cx*+4x+d c6 bang bién thién nhu sau

r — 0l 3 +o0
T l |
0] 0
glx) - '
00 | | — O
() \ i/i\
I I 0

Biét rang d6 thi ciia hai ham s d4 cho cat nhau tai 3 diém phan biét c6 hoanh do x,, x,, X, thoa

MAn x, + X, + X, = 9. Khi d6 dién tich hinh phang gi6i han béi cac duong y = (x); y=9(x);

x=1; Xx=2 bang
3

A —. B.

C.
4

N | W

p. L.
2

|-

Cau25: Chohamsb y=f (x) c6 dao ham lién tyc trén doan [0;7] va co dd thi ham sb y = f'(x)trén
doan [0; 7] nhu hinh vé.

v

0 w2 3

< AL X A L s 2 \ ~ 1A \ 244
batg(x)= f (2x—1), biét rang dién tich cac hinh phang trong hinh v& lan luot 13 S, = —,
28 2528 . .
S,=—,S,=———va f(0)=1,tinh g(4).
=5 Sa=— va f(0) 9(4)
A 2759 B, 2744 c. 2518 p. 263
15 15 15 3

Cau 26: Cho ham sb bacba y = f (x) co do thi 1a dudng cong hinh bén.

y

)
=Y

9 | Facebook téc gid: Phan Nhat Linh



Nguyén ham, tich phén va Ung dung

Céu 27:

Céau 28:

Biét f(x) datcuctiéutai Xx=1va f(x)+1va f(x)—1 lan luot chia hétcho (x—1)% va(x+1)?
.Goi S,,S, 1a dién tich hai hinh phang dugc gach trong hinh bén. Tinh S, +S, .

AL B, c.i p. 1.

8 8 2

o

Cho ham sd y = x* —mx (0 < m < 2020)cé d6 thi (C). Goi S, +$S, la dién tich cua hinh phing
gidi han bai (C), truc hoanh, tryc tung va duong thang x =2020. Giatricaa m saocho S, =S,

la

4040 4041 2021 2020

A.m . . .
3 3 3 3

Do thi (C):y= 2x* —4x* -2 cit dudng thang d :y =m tai bén diém phén biét va tao ra cac hinh
phang c6 dién tich 31 : 52 : 53 nhu hinh vé. Biét ring Sl + 32 = 33 , khi do m = —% & dang tbi

gian voi a,b e N. Tinh gia tri cia T =a+Db.
y
(8] x

83

A T=-19. B.T=19. C.T=1 D. T=37.

J‘(Zx4 —4x* —2-m)dx = j (—2x* + 4% + 2+ m)dx
0

X3

= _[(2x4—4x2—2—m)dx=0
0

2x°>  4x°

& | ————=2+m)x |[¥=0
( T3 (2+m) jo
2x;  4xS

& ————(2+m)x, =0
s T3 (2+m)x,

< 6x; —20x —15(2+m) =0.
Tu duy todn hoc 4.0 — Luyén thi Pai hoc 2022 | 10
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Suy ra X, la nghiém cua hé phuong trinh:

2X; —4x. —2-m=0 - 24x; —40%. =0
6x! —20x2 —15(2+m)=0  |6x’ —20x? —15(2+m) =0

X; =0(1) 2o
2 5 ‘3
2_2
3 m=-22(Tm)
6x; —20x; —15(2+m) =0 9

Vay m:—%.Dodé a=28,b=9.

SuyraT=a+b=37.
Cau 29: (Bo)

Cau 30: Cho duong thang y = % x va parabol y = % x? +a (@ 13 tham sb thuc duong). Goi S,,S, 1an luot

1a dién tich ctia hai hinh phang duoc gach chéo trong hinh v& bén.
Ay

S

Si

i
y=-2"+a
2

(@]

8

Khi S; =3, thi @ thudc khoang nao dudi day?

A Ei B ll C il D 03
\4'32) \32'4) \16'32) 116)

Cau 31: Cho ham s6 bac bén tring phuong y = f (x) c6 do thi la duong cong nhu hinh duéi day. Biét
ham s6 f(x) dat cuc tri tai ba diém X;,X,, X, (X <X, <X,) thoa man x, +X, =4. Goi S,,S, 1a
dién tich ctia hai hinh phang dugc t6 mau trong hinh. Ti s6 % bang?

2

C\W=\

B. —. C.

Y

>
gl w
N |-~
O
|
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Nguyén ham, tich phén va Ung dung
Cau 32: Mot hinh phang dugc tao thanh tir duong cong lemniscate (duong cong so6 8 cua Bernoulli) ¢

phuong trinh trong hé toa do6 Oxy la x* = a? (X2 — yz)(a >0) nhu hinh v& bén. Biét ring mdi
don vi trong hé toa d6 Oxy tuong tmg v6i chidu dai 1m va hinh phing nay cé dién tich la

4?g(m2 ) . Ménh dé nao sau day dung?

1y
."rf_hHK --‘\\"'.
|" | «
|I I'
\ / /
. -
A l<a<?2. B.2<a<3. C.3<ax<4. D. 4<a<5h.

Cau 33: Cho ham sé bac ba y = f(X) c6 d6 thi la dudng cong (C) trong hinh bén. Ham sé f (x) dat
cuc tri tai hai diém x,, x, théa f (x)+ f(x,)=0.Goi A, B lahai diém cyc tri ciia d6 thij (C);
M, N, K 1a giao diém cua (C) véi truc hoanh; S 1a dién tich ciia hinh phang duoc gach trong
hinh, S, l1a dién tich tam giac NBK . Biét ttr giac MAKB noi tiép duong tron, khi do ti s6 %

2

bang

p. 33
4

A 205 g Y6,
3 2

Cau34: Chohamsd y=x*-3x*+m c6 dd thila (C, ), mla tham sb thuc. Gid sir (C,, ) cdt truc OX tai
4 diém phan biét. Goi S;,S, 14 dién tich cia hai hinh phang ndm dudi truc Ox va S, la dién tich
hinh phang nam trén truc OX dugc tao boi (Cm) v6i truc OX . Biét rang ton tai duy nhét gia tri

a . « o da LA - 2 e >
m= b voi (a,be N va b 1a phan s6 toi gian) dé S, +S, =S,. Gia tri 2a—b bang:

Y

S3

0

A. 3. B. 4. C.6. D. -2.

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 12
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Cau35s: Chohamsdbac3 f(x)=ax’+bx’+cx+d vaduongthingd: g(X)=mMX+n c6 dd thi nhw hinh

v&. Néu phan t6 mau den c6 dién tich bang % , thi phan gach chéo c6 dién tich bang bao nhiéu?

A2 B. 2. D. 3,
2 2

Cau 36: Chohamsb y=ax"+bx*+c c6dd thi (C), biét rang (C) di qua diém A(-10), tiép tuyén d
tai A ctia (C) cét (C) tai hai diém c6 hoanh do lan Iugt 1a 0 va 2 va dién tich hinh phéng giéi
han boi d, 46 thi (C) va hai duong thang X =0;X =2 c6 dién tich bang % (phan t6 mau trong

hinh v§).

Di¢n tich hinh phang giéi han béi (C), d va hai duong thang x =-1,x =0 c6 di¢n tich bang

AL B. L. c 2 D 1.
5 9

B
4
Cau 37: Cho ham s bac ba y = f (x) c6 dd thi (C) nhu hinh v&,

13 | Facebook tac gid: Phan Nhét Linh
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Biét rang d6 thi ham s6 di cho cat truc OX tai ba diém c6 hoanh dd X, X,, X, theo thur tu 1ap
thanh cip sb cong va X, — X, = 2+/3. Goi dién tich hinh phing gi¢i han béi (C) vatryc Ox la S
, dién tich S, cta hinh phing gi¢i han boi cac duong y=f (x)+1, y=—f(x)-1, x=x va
X = X, bang

A. S+243. B. S+443. C. 44/3. D. 843.

Cau 38: Chocéac sé p,q thoa man cac diéu kién: p>1, q>1, Lilo1vackess duong a,b. Xét ham
P q

s0: y=x""(x>0)c6 do thi 1a (C). Goi (S,) la dién tich hinh phang gi¢i han bsi (C), truc
hoanh, duong thang x=a, Goi (S,) la dién tich hinh phang gi¢i han bsi (C), truc tung, dudng
thang y=b, Goi (S) Ia dién tich hinh phang gi¢i han bai truc hoanh, truc tung va hai dudng
thang x=a, y="0.

v | B = -1

b

y:_.'r

(&)

a x

Khisosanh S, +S, va S ta nhan dugc bat dang thirc nao trong cac bat dang thuc dudi day?

p q p-1 q-1 p+1 g+l p q
A. a—+b—§ab B. a + >ab. C. a + <ab. D. a—+b—2ab.
p q p-1 q-1 p+l g+l p q

Cau 39: Cho f(x) la ham bac ba cé do thi nhu hinh v&. Biétham so f (x) dat cuc tri tai X, ; X, thoa man

X, = X, +4 va tim d6i xting cia d6 thi ham s6 ndm trén truc hoanh. Goi S,;S, 1a dién tich hinh

, .S,
phéng nhu trong hinh vé&. Ty so S—l bang:
2

N

C. D.

>
gl w
w
Alw
w| s
w| ol
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Cau 40:

Cau 41:

Céau 42:

Cau 43:

Cho ham s6 y = x*c6 dd thi (C), biét ring ton tai hai diém A, B thudc do thi (C) sao cho tiép
tuyén tai A, B va duong thing vudng goc véi hai tiép tuyén tai A, B tao thanh mot hinh chir nhat
(H) co chidu dai gap doi chiéu rong. Goi S, 1a dién tich gi¢i han boi d6 thi (C) va hai tiép
tuyén, S, 1a dién tich hinh chit nhat (H ). Tinh ti s6 % ?

2

125 D 125

B. L= =
768 128

A.

o
Wl

Cho ham s6 y = x*c6 db thi (C), biét ring ton tai hai diém A, B thudc dd thi (C) sao cho tiép
tuyén tai A, B va dudng thang phap tuyén ctia hai tiép tuyén do tao thanh mot hinh chir nhat co
chiéu dai gép doi chiéu rong. Goi S, 1a dién tich giéi han boi do thi (C) va hai tiép tuyén, S,

N 1A ’ 1 ~ A s o 7 < A A B 7 A . ’ 2 A S
la dién tich hinh chir nhat gidi han boi cac tiep tuyén va phap tuyén tai A,B. Tinh ti so -1 ?
2

C 125 D 125

B. L — L —
768 128

A.

ol
W

Cho ham s6 y = f (x)=x*-2x* vaham sd y =g (x)=x*—m’, v6i 0<m<+/2 1a tham s thu
C.Goi S,,S,,S,,S, la dién tich cac mién gach chéo dugc cho trén hinh vé&. Ta c6 dién tich
S,+S,=S,+S, tai m,. Chon ménh dé dung.

F N

y

-

A. moe(%;g} B. moe(g;%j. C. moe(%;gj. D. moe(%;g)

Cho ham s bac ba ¥ = T (X) c6 db thi 1a duong cong trong hinh v&.
Y

f()

T QO

Biét ham sb f(X) dat cuc tri tai hai diém X, X, théa man X, =X +2 va f (X1)+ f (XZ)ZO.

) S
Goi ; va S, 1a dién tich cua hai hinh phing duoc gach trong hinh v&. Ti s 8—1 bang
2
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Nguyén ham, tich phén va Ung dung

Céu 44:

Cau 45:

Cau 46:

A 3 B. 2 c. 3. D. 3.
8 5

4 8
Cho ham sb bac ba f(x)=ax’+bx*+cx+d va duong thang d : g (X)=mx+n c6 do thi nhu

hinh v&. Goi S,,S,,S, 1an lugt 1a dién tich clia cac phan gi6i han nhu hinh bén. Néu S, = 4 thi ty

s0 =% bang.
3

)
il

A. C. 2. D.

Do | wo
W
—

DO | —

Cho ham s6 bac ba y = f (X) c6 dd thi nhu hinh v&, biét f (x) dat cyc ticu tai diém x=1 va
thoa man [ f (x)+1] va [ f(x)—1] lan luot chia hét cho (x—1)" va (x+1)". Goi S,,S, lan
luot 1a dién tich nhu trong hinh bén. Tinh 2§, +8S,

AV

SQ

f)

A 4 B.

Ul w

C.l D.9
2

Cho ham s6 béc bén y = f (x) c6 do thi (C) nhu hinh v& bén. Biét ham sé y = f (x) dat cuc
tri tai cac diém X, X,, X, théaman X, =x +2, f(x )+ f (X3)+§ f(x,)=0 va (C) nhén duong

thang d : x = X, lam truc d6i ximg. Goi S,,S,,S,,S, 1a dién tich cia cac mién hinh phang dugc

. A s A . 2 S +S, A o S A
danh dau nhu hinh bén. Ti s0 —=—% gan két qua nao nhat
+
3 4
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Cau 47:

Céau 48:

Cau 49:

X1

A. 0,60. B. 0,55. C. 0,65. D. 0,70.

Cho parabol (P) .y =—4x® va hai diém A, B trén (P) sao cho doan AB =2 . Tim dién tich 16n
nhit cta hinh phang gidi han boi (P) va duong thing AB .
1 c. 2

A —. B.
3 3

D. 4.

[SSRIEN

Cho ham sb y = f (X) lién tuc trén R c6 @6 thi 1a dudng cong tao véi truc OX hai ving c6

5
dién tich S;,S, (nhu hinh v&). Biét ring S, =45, va j f (x)dx =24. Tinh S, +3,
4
y f(x)

X

A. 24. B. 40. C. 35. D. Khong thé xac dinh
Cho ham s6 béc bbn y = f (x) c6 dd thi 1a duong cong nhu hinh bén. Biétham sé y = f (x) dat
At%

cuc tri tai hai diém X;; X, thod man X, =X +2 va dd thi nhan duong théng X= 2 ]am truc

dbi ximg. Goi S;;S, 1a dién tich cua phan hinh phing dwoc in mau trong hinh bén. Biét S = E,
2

phan s % t6i gian, a;beZ, tinh a+b.
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Nguyén ham, tich phén va Ung dung

Céu 50:

Cau 51:

Cau 52:;

Cau 53:

>

y

A. a+b=13. B.a+b=7. C.a+b=15. D.a+b=09.
Cho ham sé f (x) c6 dao ham xac dinh, lién tuc trén khoang (—1;+oo) ddng thoi thoa man céac
dicukién f'(x)<0Vxe(-1+0), f'(0)=-1va[f'(x)] = f"(x), f (3)=—In4.Khido dién

tich giéi han béi d6 thi(C):y = f(x), truc hoanh va hai duong thang X = 2,X =3 bing bao

nhiéu?
A. 8In2-In3-1. B. 8In2-3In3-1.
C. 4In2-3In3-1. D. 8In2+3In3-1.

Cho parabol (P):y =X —kx+k—4,véi k 1athamsb. Goi S dién tich hinh phing gi6i han bai
parabol (P)va truc hoanh, gia trj nho nhét cia S 14

A 43, B. 4. C. W5, D.5.

Cho ham s6 bac bon Y = f (X) c¢6 db thi 1a dudong cong trong hinh vé& bén.

Y

& F A

Biét dd thi ham sé f (X) dat cuc tri tai ba diém C(X;¥;),B(X:;¥,), A(X:Ys) (X <X, <X;)

théa: X, =%;—2 va hinh vudng BFAD c6 dién tich bing 1. Goi 9,5, Ian luot 12 dién tich cua

, 9
hai hinh phang duoc gach trén hinh vé bén. Tinh ti so S—l
2
2 2
A VzZ. B. L. c 2 b Y2
15 2 15

Goi (H) Ia hinh phing gi¢i han bi cac duong y =(x—3)°, truc tung va truc hoanh. Goi k,, k,
(k, >k, ) 1a hé s goc ciia hai duong thang cung di qua diém A(0;9) va chia (H) 1am ba phan

c6 dién tich bang nhau. Tinh k -k, .
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NS B. 7. c.2 p. 2L,

2 4 4

Cau54: Ham s6 bac ba f(x)cé dd thi 1a dudng cong & hinh bén dudi. Goi X, , X, 1an luot 12 hai diém
cuc tri thda man X, =x +2 va f(x)—3f(x,)=0. Duong thing song song véi truc va qua
diém cuc tiéu cta dd thi ham s6 tai diém tha hai c6 hoanh d§ x, va x, = X, +1.

Tinh ti s6 2 (S,, S, lan luot 1a dién tich hinh phang duoc gach & hinh bén dudi ).
S,

KT

§

>
™ | ©
o
| Ul
O
0| W
O
ol w
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Cau 1:

Cau 2:

HUONG DAN GIAI CHI TIET
Trong mit phang OXy cho (H) 1a hinh phang gi6i han béi parabol y=4—x va truc hoanh.
Duong thing x=k (-2<k <2)chia (H) thanh hai phan (H,), (H,) nhu hinh v& dusi:
N ole=k

»

/ (0]
<A M [N ’ 5 \ A 20 A [N ’ 5 \ o e .y . 5 A
Biét rang dién tich cia hinh (H,) gap £ lan dién tich ciia hinh (H,), hoi gi4 tri cia k thudc
khoang nao sau day?
A. (-2;-1). B. (0;1). C. (-1,0). D. (1;2).
Loi gidi

Chon B
Taco: 4—x* =0 x* =4 < x=+2 =parabol y=4—x? giao vdi truc hoanh tai cac diém c6
hoanh d6 1an lugt 1a —2 va 2.

k X' K 16
Dién tich ciia hinh (H,) I3 Sl:'[(4—x2)dx:[4x—§j =4k ——+—.

-2

f <\ 16 k®
Dién tich ctia hinh (H,) Ia Sz=j(4—x2)dx=(4x—§j =4k +—.

k

Vi dién tich ctia hinh (H,) gép ? 1an dién tich cta hinh (H,) nén ta c6 phuong trinh:

3 3 3 3
4k—k—+§:@ E—4k+k— = 4k—k—+E =20 E—4k+k—
3 3 73 3 3 3 3 3

2
k-==0

@9k3—108k+%=0 @(k—gj(9k2+6k—104):0<:> 3 .
9k’ +6k —104 =0

e Truong hop 1: k—%zO@kz% (thoéa man).

e Truong hop 2: 9k* +6k —104=0 <k =

+4105-1 )
—3 (loai).

Vay ke(0;1).

Cho ham s§ f(x) =ax® +bx* +cx+4 va g(x) = mx*+nx c6 do thi trong hinh bén.
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Céau 3:

Dién tich ciia hinh phing gii han bai do thi ctia hai ham s6 trén (phan gach chéo trong hinh v&)

bang
A S B. Y 3T p. 37,
4 2 12 6
Loi giai
Chon D
Do f(x) 1a ham s6 bac ba va g(x) 1a ham s6 bac hai nén f (X) - g(x) 1a ham sb béc ba.
X=-1
Tir d6 thi ham s6 ta thdy f(x)=g(x) < | x=1 .
X=2

Suyrataco: f(x)—g(x)=k.(x+D)(x-1)(x-2)

Mit khac ta cé: f(0)—g(0)=4=k=2.

= f(X)-g(X) =2(x +)(x-1)(x—2) = 2x*> —4x* - 2x + 4
Vay ta c6 dién tich phan gach chéo la:

S= j.| f(x)—g(x)|dx = j.‘2x3—4x2 —2x+4‘dx
] a

1 2
= I(2x3—4x2—2x+4)dx—j(2x3—4x2—2x+4)dx:E+§:£.
: ) 36 6

Cho ham s6 bac bén y = f(x) co dd thi (C) nhu hinh v& bén. Biéthamsd y = f (x) dat cuc tri
tai cac diém X, X,,X; théa man X, =x +2, f(x )+ f (x3)+§ f(x,)=0 va (C) nhan duong

thang d : X =X, lam truc d6i ximg. Goi S,,S,,S,,S, 1a dién tich cia cac mién hinh phing dugc

. A s A . 2 S +S, s . A
danh dau nhu hinh bén. Ti s0 ——* gan két qua nao nhat?
+
3 4
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Cau 4:

yl

X1

A. 1.62. B. 1.68. C. 1.64. D. 1.66.
Loi giai
Chon D
Nhan thay két qua bai toan khong doi khi ta tinh tién do thi (C) sang bén trdi sao cho duong

thang d 1 X=X, trung véi truc tung khi d6 (C) 1a dd thi ctia ham tring phuong y = g(X) c6 ba
diém cyc trj X, =-1,%,=0,X,=1.Suyra y=g(x)= (x —2x) c (k>0)

Laico f(x )+ f (x3)+§ f (xz):0:>—2k+2c+§c:0<:>c:%k

3
Suyra:y = —k(x*=2x2)+>k
yraiy=g(x) (x X )+4

3 2842 -17 )

60
Talaico: 9(0)-g(1)=k =S,+S,+S,+S, =k.1=Kk.

28217 _77-28J2, _ S,+S, 77-28Y2
60 60 S,+S, 28J2-17

Xt —2x?+= dx:

1
Khido: S, +5S, —kj
0

=1.655~1.66.

Suyra S;+S, =k—

Cho ham s6 y =x*—3x*+m ¢6 do thi (C,,), véi m 1a tham s6 thuc. Gid st (C,,) cét truc Ox

tai bon diém phan biét nhu hinh vé& dudi:

Oy

—1+
Goi S,; S,; S, l1a dién tich ciAc mién gach chéo duogc cho trén hinh vé&. Gia tri cia m dé
5,+S,=5, la
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A.m:—E. B.m=§. C.m:—ﬁ. D.m:E.
2 4 4 2

Loi giai
Chon B
Hoanh d6 giao diém ctia (C,,) véi truc Ox 1 nghiém cua phuong trinh: x* —3x*+m=0 (1).

bat t=x* (t>0), ta dwoc phuong trinh: t* =3t+m=0 (2)

Phuong trinh (1) ¢6 4 nghiém phan biét < Phuong trinh (2) ¢6 2 nghiém phan biét cing

A>0 9-4m>0 9 9
duong <S>0 <<3>0 & m<Z<:>0<m<—.
P>0 m >0 m>0

Khi d6: Goi k 1a nghiém duong 16n nhét ctia phuong trinh (1). Taco: k*-3k*>+m=0 (3).

k
Theo dé bai: S, +S,=S, va §, =8, =8, =25,= [ f (x)dx=0.
0

k
Ma j. f (x)dx=j.(x4—3x2+m)dx=(§—x3+mx]

0 0

5 4
:k——k3+mk:k k——k2+m :
5 5

0

4 4
Suy ra k(kg—k%mJ:O @%—k2+m:0 (do k>0) (4).

4
Tur (3) va (4) suyra k4—3k2—k€+k2:0<:>2k4—5k2:0<:>2k2—5=0 @kzzg.

2
Thay k* =g vao (3), ta dugc: (gj —3~g+m=0<:>—g+m=0 c>m=§ (thoa man).

Cau’5: Cho parabol (R):y=-x*+6 cit truc hoanh tai hai diém phan biét A B va duong thing
d:y=a(0<a<6). Xét parabol (P,) di qua A B va c dinh thudc dudng thing y=a. Goi
$,1a dién tich hinh phang gi6i han béi (P,) va d; S,1a dién tich hinh phang gi6i han béi (P,)

va truc hoanh (tham khao hinh v¢).

(P1)

2
/? P,) '
S
A B

oo

Biét S, =S,,tinh T =a®-12a%+108a.
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Céau 6:

A. T =218. B. T =219. C. T =216. D. T=217.
Loi gidi
Chon C
Xét phuong trinh hoanh do giao diém: —x*+6=a
o x*P=6-a
o x=+/6-a.
6-a
Khi d6 81:27(—x2+6—a):2(—§+6x axj\/Ta 3(6— )V6-a.
0

Toa do giao diém A, B 14 nghiém cua hé {

Vay A(—\@;O),B(\@;O).

Goi (P,):y=mx’+nx+p.

y:—x2+6©[x=x/§:> y=0

y=0 x=—\/5:>y=0'

Vi parabol (P,) diqua A, B va c6 dinh thujc duong thang y =a nén

6m+\/€n+p:0 n=0
a .
m—6n+p=0<{p=a :>(P2):y:—gx +a.

p=a m——i
6
fe 3
Do do SZZZI(—EX2+ajdX:2 —£+ax \/_ \/_a + J6a 4\/_a.
AN 18 0 3
Theo a3 i

S, =85, @%(G—a)\/G— = 4\?&1 = (6—a)3 =6a’ < 216—-108a+18a*—a® = 6a*
< a®-12a*+108a =216.

Db thi ctia ham s y = x* —5x*+4 cit duong thing d :y =m+1 tai bon diém phén biét va tao

ra cac hinh phang c6 dién tich S,S,,S,. Biét rang khi S, +S, =S, thi m 1a mot s6 hiru ti dugc
-4 r: AL AL Ae a .. e, N
viét dudi dang phan so to1 gidn m = Y voi a,beN . Giatrj cia P =b—a bang

}Jk

S5
y=m+1

ny

AT

A 19. B. 21. C. 53. D.17.
Léi giai
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Chon A

DPé d cit tai bon diém phan biét thi —? <m<3.

Gia st PT c6 bon nghiém phan biét X, < X, <0< X, <X, .
Do tinh d6i xtmg ciia d6 thi nén tir gia thiét S, +S, =S, nén S, =%
j(x“—sz+3—m)dx=—J.(x4—5x2+3—m)dx <:>I(x4—5x2+3—m)dx:0
0 X3 0
5 3 Xa
= X——ESLJF(3—m)x
5 3

=0 @%xj—ng+(3—m)x4:Oalxj—ng+3—m:0

0

X; —5x. +3-m=0 xf=§

Ma X, la nghi¢ém cia PTnéntacd 1 , 5 , 6
gx4—§x4+3—m:0 _ 7

36

Vay P=b-a=36-17=19,

Cau7: Cho ham s y=+/X c6 d thi (C) va diém M thudc (C) c6 hoanh do duong. Goi S, 1a dién

tich hinh phang gidi han boi (C), truc hoanh va duong thiang di qua M vudng goc véi truc

hoanh; S, 14 dién tich hinh phang gidi han boi (C) va duong thang OM . Biét % = % gia tri

1

cia a+b bang
A 5. B. 6. C.19. D. 21.
Loi gidi

Chon A

(0

Goi M(a;«/g)e(C), a>0.Taco: S, :j\/;dx:ga\/g;

0

S, =S, =S, 0w :Ea a—la azla a v6i H 1a hinh chiéu cia M 1én truc OX .
3 2 6

S
Suy ra _223_\/@}, a+bh=5.
S, 4

Cau8: Ham sb bac ba y="f (X) c6 d6 thi (Cl) di qua diém A(l;O) : ham sd bac hai y=9 (X) c6 d6
thi (C.) di qua diém B(L-4). (C.).(C.) cit nhau tai 3 diém phan biét c6 hoanh d 1an luot

la —1;2;3. Tinh dién tich hinh phang gi6i han boi hai d6 thi (C.).(C.) ?
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Cau 9:

A.§. B.g. C.E. D.g.
3 3 6 3
Loi giai
Chon C

Vi (C,),(C,) cét nhau tai 3 diém phan biét c6 hoanh d¢ lan lugt 1a —1;2;3 nén da thirc bac ba
f(X)—g(x) c6 banghiém -1,2;3. Do 46, f(x)—g(x)=a(x+1)(x—2)(x—3), véi a=0.

Mat khac vi(C,) di qua diém A(L0); (C,) di qua diém B(1;—4) nén f(1)=0,g(1)=—4.
Do do, f(1)-g(1)=4

Suyra a(1+1)(1-2)(1-3)=4 hay a=1.

Khi d6 dién tich hinh phang gi¢i han boi hai d6 thi (C,),(C,) la

j;‘(x+1)(x—2)(x—3)‘dx+Jj‘(x+1)(x—2)(x—3)‘dx=%1 (dvdt).

Cho ham sé bac ba f (x) c6 do thi ham s nhu hinh v& bén. Biét ham so f (x) dat cuc tri tai

hai diém x,, X, théa man x, =x, +2 va f(x )+ f(x,)=1. Goi S,,S, la dién tich cua hai hinh

phang duoc cho trong hinh vé bén. Tinh ti s6 % .
2

by
y= f(x)

i oy A
2 4
£ra T
0 A
a3 5 2. ¢l .8
4 5 8 3
Loi giai

Chon B
Khong mat tinh tong quét, tinh tién d6 thi ham bac ba y = f (X) sao cho diém ubn ctia d6 thi
thudc truc tung = X, +X, =0. Laicd X, =X +2 nén x =-1,x, =1.
Theo gid thiét, ta cé f'(x)=k(x—1)(x+1)= k(X2 —1) voi k>0,
3
Suyra f(x)= k(%—x}tc.

Do f(-1)+ f()=1eX4c-H ico1oc=t

3 3 2
1 2k 1
x|+ Zva f(x)=f(1) ===z,
x}rz va f(x,)="f(1) 2 +3
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y=f(z)

Tacd S, =Hf (x)—ﬂdx=j'k

-1

Xét i _ Siasc =S, _ BC.IC ~
S, S, S,

Cau 10: Cho parabol (P):y= —4x? va hai diém A, B trén (P) sao cho doan AB = 2. Tim dién tich 16n
nhat cua hinh phang gi6i han bsi (P) va duong thing AB .

A.E. B.ﬂ. C.g. D. 4.
3 3 3
Loi giai

Chon A

Ay

L
0]
A
B
¢

+) Gia st A(a;—4a’)e(P), B(b;—4b*)e(P) vaa<b, abeR
+) Phuong trinh duong thang AB la y=-4(b+a)(x—a)-4a’
y=—4(b+a)x+4ab

+) Dién tich hinh phing gi¢i han boi (P) va duong thang AB la

S = [T—axt + 4(a+b)x—dab = | -2 4 2(a+b)xt —dabx || = 2b° 2 ¢ + 287 2a0?
_.!:[—x+ (a+b)x—4ab dx = -5 (a+ )x—ax|a—§ -5 +2a%-2a
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Cau 11;:

Cau 12:

:g(b3 —a3+3a2b—3ab2):g(b—a)3
3 3

+)Ma AB=2=(b-a)’ +16(b*~a’) =4 = (b-a)’ - 4= 2<poasc2
1+16(b+a)
Do d6 S Sg.
3
a=1
a+b=0
b=-1

Dau bang khi {b—a: 2 &

b-a=-2 a=1
b=-1

Vay GTLN cua S la %
Cho hinh phing (H ) duoc gi6i han boi db thi cua hai ham s6 da thirc bac bén y= f (x) va
y=g(x). Biét rang d6 thi cua hai ham so cét nhau tai hai diém phan biét ¢6 hoanh d¢ lan luot

la —1;2 va tiép xtic v6i nhau tai diém c6 hoanh d¢ bang -3. Dién tich hinh phang (H ) ( Phén

gach soc trén hinh v& bén) gan voi két qua nao dudi day?
Yy

A. 311. B. 2,45. D. 2,95.

Loi giai
Chon A
Theo gia thiét tai diém c6 hoanh d6 x =—3 hai d6 thi ham sd nay tiép xtic nhau nén ta co:

f(x)_g(x):_im[_g_[_gjj(msf(x+1)(x_z).

Khi d6, Dién tich hinh phang (H ) ( Phan gach soc trén hinh v& ) la:

S = i[}w[—g—(—gn(xw)z (x+1)(x—2)}dx = % ~311.

-3

Do thi (C)cua ham s6 y=—x* +5x* —4 cat duong thang (d):y =m tai bdn diém phén biét va

tao ra cac hinh phang c6 dién tich S,,S,, S, (nhu hinh v§).
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Cau 13:

=\

Ss

Biét rang khi S, +S, =S, thi gid tri cia m la mot sd hitu ti duoc viét dudi dang phén s ti gian

B,trongdé geN,peZ.Tinh T = p+aq.
q

A. T =55. B.T=17. C. T=-55. D.T=-17.
Loi giai

Chon B

Gia sir (C,,) cét (d) tai bén diém phan biét c6 hoanh do 1a —x,; —x,; X5 X, (0<% <X,)

Do (C, ) doi ximg nhau qua truc Oy nén S, =S, = % S,

3

5
a? +5%—(4+m)x2 =0=>

:>—£(f(x)—m)dx=£(f(x)—m)dx<:>!(f(x)—m)dx:0<:>—€

4 2
:>_X_2+5%—4—m:0 (do x, #0).

Cho ham s6 y=x"-3x’+m ¢4 dd thi (C, ), véi m Ia tham s6 thuc. Gid st (C,,) cét truc OX

tai bon diém phan biét nhu hinh vé

Goi S, S,,S, 1a dién tich cac phﬁn gach dugc cho trén hinh v€. Gié tri cia m dé S,+S,=S, la
Am=—2. B.m=">. C.m=—2. D.m=2,
2 4 2
Loi giai
Chon B

Ta c6 phuong trinh hoanh d6 giao diém cua (C,,) va truc Ox 1a x* —3x*+m=0 (*)

m
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Céu 14:

(C,) céttruc OX tai bon diém phan biét khi va chi khi phuong trinh t* -3t+m =0, véi

A=9-4m>0

(t=x*t>0) c6 hai nghi¢m duwong phan biét < {P=m>0 <:>O<m<%

S=3>0

Goi x=a,x=b (b<a) la hai nghiém duong cua phuong trinh (*),suyra a*-3a*+m=0 (1)

AL}._

S, =8 b a b a
Do{ Y taco %SZ:Sl<:>J.|f(x)|dx:-[|f(x)|dx<:>-[f(x)dx:—jf(x)dx
0 b

S +5; =S,

b 0

<:>_[f(x)dx:Ocj(x“—sz+m)dx:0©%aS—a3+ma:O<:>a4—5a2+5m:0(2)

0 0

4 a2 _
Tir (1) va (2) tacé{a & +m=0

a*-5a*’+5m=0

Két hop diéu kién c6 nghiém, vy m=

Ao

{a4—3a2+m:0 m=

Lt
4a* -10a’ =0 2

Cho ham sé y = x*—3x?+3 ¢ db thi (C). Goi E 1a mét diém thudc (C) sao cho tiép tuyén

cia (C) tai E cét (C) tai diém thirhai F va dién tich hinh phang gi6i han béi duong thing EF

voi (C) bing g . Tiép tuyén cua (C) tai F cdt (C) tai diém tht hai Q. Dién tich hinh phing

gi¢i han boi duong thing FQ véi (C) bang

A 2L B. 27,
4 8
Chon A
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Cau 15:

VA

O
2y
&

|

Chohamso y =ax® +bx* +cx+d c6ddthila (C),M (X, ;Y )€ (C) batky vakhong tring véi
diém udn cua d6 thi. Khi do
B6 dé 1: Tiép tuyén clia (C) tai diém M s& cit dd thi tai diém thir hai N(x,;y,) va
o2 ogfx 2
3a 3a
B6 dé 2: Goi S 1a hinh phang gidi han boi tiép tuyén cta dd thi (C) tai M voi do thi (C). Ta

co
4
S= %a(XM +£j

3a

Ap dung (£ =M.N =T)

27 b Y s )
4|a|(XM +j Xy Ll Xy, 2

taco —L = sa) _ 3a | _ 3a _1
S, 27 b) |, P ( bj 16
— — . —2| Xy +—
4|a|[XN+3aj N e vt 3,
27 27
Viy S, =16S, =16.—=—.
W . 64 4

Cho parabol (P):y=x* va dudng thing (d):y = f(x)=ax+b c6 d6 thi nhu hinh v& duéi
day. Biét parabol (P) va dudng thang (d) cit nhau tai hai diém phan biét c6 hoanh d¢ X, X,
théaman X, =X +3 va f(x )+ f(x,)=5.Goi S, S, 1a dién tich hinh phang duoc gach trong
hinh. Tong S, + S, bing

31 | Facebook tac gid: Phan Nhat Linh



Nguyén ham, tich phén va Ung dung

Cau 16:

T,

A C. 3. D.

w| o

w|~
w|

Loi gidi

Chon C

Phuong trinh hoanh d6 giao diém cua (P) va (d): x> =ax+b e x> —ax-b=0

Khi d6 X, X, 1a hai nghiém ciia phwong trinh (1) nén x, + X, =a; XX, =-b.

Taco {2 s % ) TR
F(x)+(%)=5" |5=x+x2=(%-%) +2x% =9-2b  |b=2

Tur db thi ta c6

3

S +S _szdx_xz_xf (Xz_X1)3+3X1X2(X2_X1) 33+9(_b)
1 2 = -
v 3

3 3

Cho ham sb f(x)=ax"+bx*+1,(a=0,a,beR) ma do thi ham s6 f"(x) va do thi ham sb

f (x) c6 mot diém chung duy nhit va nam trén truc Oy (hinh v&), trong d6 X, 1a nghiém cua

f (x) va £x, la nghiém cua f”(x), (x,X, >0). Biét X, =3X,. Tinh dién tich hinh phang gi6i
han béi cac @0 thi f(x), f”(x) va truc OX.

v A

F(x)
()
A 192 B. /3. c. 12 D. 3
45 15 15 45
Loi gii

Chon A
Taco f(x)=ax’+bx*+1= f"”(x)=12ax*+2b,(a=0,a,beR).
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Phuong trinh hoanh d¢ giao diém cia dd thi f(x) va f”(x) 1a ax* +bx* +1=12ax’ +2b.

Theo bai ra ta ¢cO6 Xx=0 la nghiém cua phuong trinh nén 2b=1<:>b:% . Do dé

f (x):ax4 +%X2 +1, f”(x):12ax2 +1.

Taco f"(x)=0<>12ax’ +1=0 > x? =— ——, co nghiém khi a<0 nén x2 = ——— véi a<0
12a 12a
Do a<0 nén —1= 4“1_16a >0, —1+ 4“1—16a <0 do do6 x? =_1_4— v1-16a
a a a

Taco x, =3x, nén x? =9x2 o1 4,1—16a =—1§ <:>1+«/1—16a=3c>a=—%
a a

Do vay f (x)=—%x4 WL%X2 +1, f”(x)=—%x2 +1, X2 =4,% =g nén dién tich hinh phang

2

2 3
can tinh 13 I(_%X4+%Xz+ljdX—_[(—%X2+1jdX:%,
2

-2

3
Cau17: Hinh (H) duoc cho duéi day 1a hinh phang duoc gi¢i han béi hai duong (C,):y =[x+ V16— X2
. (C,):y=|X|-V25-x* va hai doan thing (d,):y=x véi xe[45],(d,):y=-x véi
X e [—5; —4] . Tinh dién tich S cua hinh (H )

d‘g ,f/_._‘-x\ Cy N _h\\, d
RE D Y

\ /
Ca) /(C2)
(Ca)\ /
s
a Mz g M7 c i p M

(51)
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Xét phuong trinh

x|+ V16— Xx* =X, X €[4;5] = x+V16—Xx* =X, x&[4;5]
& V16-x* =0, xe[4;,5] < x=4

Xét phuong trinh
X|+V25-Xx* =x, xe[4;5] < x+V25-Xx* =X, xe[4;5]
& W25-x* =0, xe[4;5] < x=5

Got S, 1a dién tich hinh phing duoc gidi han boi cac duong y = x—v25-x%,y=x,x=0,x=5

5 5
dugc t6 mau trong hinh bén, suy ra S, = J.(x—(x—\/ZS—x2 ))dx = J.\/25—X2dx .
0 0

bit x=5cost = dx =-5sintdt. Vi x=0:>t=%; Xx=5=1=0.
Vay:
25

4

3 52 :
S, = 25—250052t(—53int)dt:25j.sin2tdt—2?'[1 cos2t)dt = 225[t_5|n2tj
0 0

2 0

N[N —— o

Goi S 14 dién tich hinh phang dugc gidi han boi cac dudng y=xXx++/16—x>,y=x,x=0,x=4

4 4
dugc t6 mau trong hinh bén, suy ra S, = I((X +4/16 - X )— X)dx = I\/16 —x%dx.
0 0

Pit X = 4cost = dx = —4sintdt . Véi x:O:t:%; x=4=1t=0.

Vay:
‘ : 2 . 2 sin2t 2
S, = J'\/ 6—16cos’t (4S|nt)dt:l6j5|n2tdt— jl cos2t)d S(t— > j =4r
% 0 0
41

Dién tich can tinh bang S = 2(S,+S,)= ?ﬂ' .

Cau 18: Cho ham da thirc bac nam Yy = f (X) c6 @5 thi ham s6 nhu hinh v&. Biét x,,X,, X;, X, theo thir tu

. 2 . £ S s
1ap thanh cap s6 cong c6 cong sai d =1. Ti s0 —* bang

0]
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A 16 B. 8. c. 1 p. Y
9 5 7 11
Loi gidi
Chon C
Yy A
-3 -2 2 O €T

Tinh tién d6 thi ham s6 y = f (X) sang tréi x, don vi, ta dugc dd thi ham s6 y = g(X)

Ta thiy X, X,, X, X, 14 cuc tri ciia ham s6 y = f (X) Ma X, X,, X, X, 1ap thanh cip s6 cong co
cong sai

d=1= Hamsd y=¢ (X) 6 bdn diém cuc tri 1a 0;—-1;—2;-3

9'(x) =kx(x+1)(x+2)(x+3) = k(x4 +6x° +11x° +6x)

4 3 2 X 3., 11 4 2
g(x):jk(x +6x° +11x +6x)dx:k E+EX +§x +3x* [+C

5

9(0)=0=C=0 g(x):k[%+§x4+%x3+3x2j

-2 -2 5
:>Sl=f|g(x)|dx=kj X 3 e g x=%
’ 572" 73 20

h 8(x° 3., 11 7k
=S, =||g(x)dx=k (—+—x4+—x3+3x2jdx:—

s, 11
=>—_t==
s, 7

Cau 19: Cho ham s6 bac bdén y = x* —4x? +1 va parabol y = x*> -k, voi ke R ¢ @6 thi nhu hinh bén
duoi.
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Goi S,,S,,S; lan luot 13 dién tich cia phan hinh phing duoc t6 ddm twong tmg trong hinh v&.
Khi S, +S, =S, thi k thudc khoang nao dudi day?

A. (Oﬁj B. (ggj C. (1—1;3 . D. Eg .
7 5 4 4 75
Loi giai
Chon B
Phuong trinh hoanh d9 giao diém cua hai d6 thi:
X' —4x* +1=x" -k & x* =5x* +1+k =0 (1).
bt t =, t > 0 phuong trinh (1) tr¢ thanh t* -5t +1+k =0 (2).
Theo bai ra thi phwong trinh (2) phai c6 2 nghiém phén biét t >0
A>0 25-4(1+k)>0
(1+k) 2 01

©15>015>0 o1 4 e-1<k<Z (%)
P>0 |1+k>0 k>-1

Khi d6 hai d6 thi giao nhau tai cac diém c6 hoanh do 1an luot 1a X, X, , X, , X, , VOi X, X, , %, X,

la nghiém cua phuong trinh (1)

"y

Do S,=S,va S +S,=S,nén S, =2S,.

Goi F(x)1a mot nguyén ham cta ham s6 f (x)=x*—5x* +(1+k)

=—[F(x)-F ()]

Dién tich S, = 'ﬂx“ —5x* +(1+ k)‘dx =—F(x)

Xy

X2
X

" F(x)-F (%)

Dién tich S, = f‘x“ —5x* +(1+ k)‘dx: F(x) y
2

X2

Tacd
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25, = s@—zj X)dx = j

X

= =2[F( (%)]=F( (X) = 2F (x)=F (%) +F (%) (3)
Do F(X)lahamsoleva X, = —X, nentl‘r( Jsuyra F(x)=0
(X1) X14—5X12+1+k20
Ta co hé phuong trinh xf 5
F(x)= —§Xf+(1+k)x1=0

4 2 _
X, +5x +1+k =0 4, 100 o =0

Sixt 5, =>—=X - 25 = (lel;tO)
Y +1+k=0 (x, #0) 5 =€

Thay vao (1) ta duoc (265j 5(265j +1+k=0 < k=§~2 42.
Céach 2
Phuong trinh hoanh d¢ giao diém cua hai d6 thi x* —4x* +1=x> -k < x* —5x* +1+k =0 (1).
bt t =, t > 0 phuong trinh (1) tr¢ thanh t* -5t +1+k =0 (2).
Theo bai ra thi phuwong trinh (2) phai c6 2 nghiém t >0
A>0 25-4(1+k)>0 " 21 ’1

<15>0<15>0 =N <7<:>—1<k<—(*)
P>0 1+k>0 k>-1

Khi d6 hai d6 thi giao nhau tai cac diém c6 hoanh do 1an luot 1a X, X, , X, , X, , VOi X, X, , %, X,
la nghiém cta phuong trinh (1)
Gia st (2) c6 2 nghiém t;;t,(0<t, <t,) thi (1) c6 4 nghiém viét theo thir tur tir bé dén

16n 1a —\/E;—\/E;\/t:;\/tz.

] +t,=5
Ap dung dinh Ii Vi-et cho phuong trinh (2) ta c6 L+l =>
t,=k+1
Taco
b e Jio
S, +S;,== j X" +5x°-k-1 dx+_[( X" +5X —k—1)d ZJ( X" +5x° -k 1)d
-t Ji Ju

e R TR S
=2*/t? 5f+k( \/_]+2(\E B \/_J
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W x> 5x3
Lai co: I (x4—5x2+k+1)dx: 2o kx4 X
5 3

_tl

S;+5;,=S5,

{Jt? 5f+k( [}2( e, Sf kg - f] {f 5f+k( (J
@Lg—ﬁm\/@JEJo@(%—gtﬁkﬂ]0(**) (do t,>0).

Mat khac t, la nghiém cta phuong trinh (2) =t =5t, -k —1. Thé vao (**) ta dugc

-k-1 5 -2 6 19 6
———t k+1=0< —t, A et, =Sk =5-t, =~k
c g tk+l=0e—1 (+)©25(+):>t1 2= ¢

k=-1(1
Taco tt,=k+1< (B—gkj —(k+)=k+1< 89()
? 5 5 k:£(tm)'

Vay khi S, +S, =S, thi k thudc khoang @ ; 17:}

Cau20: Cho hai ham s6 y = f (x)=ax’+bx*+cx+d va g(x)=mx’+nx+k cit nhau tai 3 diém co
1 X
hoanh d¢ -1, > ;2 va ¢o do thi nhu hinh vé
1

y = g(x)

“Y

y = fix)

Biét dién tich phan hinh ké soc ( hinh S, ) bang % . Dién tich phan hinh phang gi¢i han béi db

thi ham s6 y = f (x), y=g(x) va hai dudng thang X = > X = 2 ( phan bdi den trong hinh v& )

bang
N 28 c & 0 88
24 96 32 16
Loi giai
Chgn C

Phuong trinh hoanh d¢ giao diém f (x)=g(x)< f(x)-g(x)=0.
bat h(x) =f (X)—g(x), phuong trinh tré thanh h(x) =0 (1)

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 38



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cau 21:

Vi d6 thi cta hai ham s y=(x), y=g(x) cit nhau tai 3 diém c6 hoanh do x=-1;x==;

1
2

X=2,nén x=-1; X=% ; x=2 ciing 1a 3 nghiém ctia phuong trinh (1).

Do d6 h(x):a_(x+1)(x—%j.(x—2).

Ma Q:i‘f(x)—g(x)‘dx:i‘h(x)‘dx=J2.1 dx

a(x+1)(x—%j(x—2)

=|a|fl(x+1)[x_%j(x_z)dx:%. Nén [a] = 2
Vay S= j‘h(x)‘dx:|a|z[ (x+1)(x—%j(x—2)dx:%.

Nhan xét: c6 thé tinh abang cach thir 2 nhu sau:

Dua vao dd thi tacé f(0)=1, g(0)=-1, nén h(0)=f(0)-g(0)=2<=a=2.

Cho ham sd bac ba y = f (x) c6 do thi 1a duong cong & hinh bén dudi. Goi X, X, lan lugt 1a hai
diém cuec tri thda man X, =X +2 va f(x)—3f(x,)=0. Duong thang song song véi truc OX

va qua diém cyc tiéu cat do thi ham s6 tai diém thir hai c6 hoanh d6 X, va X, = X, +1. Tinh ti s6

% (S, va S,1an luot 14 dién tich hinh phang duoc gach ¢ hinh bén dudi).
2

Yy

9957,
0§
/GCU T o €T
Al B. 2 c.: D. 2.
5 8 8 8
Loi giai
Chon D

Tinh tién d6 thi ham s6 y = f (X) sang trdi X, don vi ta dugc dd thi ham s6 y =g (x).

3

Khi d6 g'(x)=ax.(x—2) (a>0).Suyra y:g(x):axg—ax%c.

Vi £ (x)=3F (x5)=0 = g(0)=3g(2) < C :3a(g—4j+30 oC=2a.
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3
Do d6 y:g(x)=a[%—x2+2j.

17
a

2 X3 X4 X3 2
Khid6 S, +S, = Ia(?—x2+2jdx:a[5—§+2x]

-1

2 17 9 S, 9
Sg=:flf(xz)dx:3f(2):C:2a:>Sl=7a—2azza:>8_1:§_

2

Cau 22: Cho f(x),9(x) Ian lugt Ia cac ham da thuc bac ba va bac nhat c6 do thi nhu hinh v&.

2
Biét dién tich hinh S (duoc t6 mau) bang @ . Tinh If x)dx
0

B. 38
15

c. 8, D. 34
3

AL
3 15

Loi giai

Chon D

Taco g(x) la ham sd bac nhét di qua A(: 1) va B(3;2) nén g(x):§x+—.
Vi y=—1:§x+%=—1<:>x=—2:C(—2;—1) 1a giao diém cua f(x) va g(x).
Do d6 f(x)—g(x):a(x+2)(x—gj(x—3).
4 4
3 3
Laico S :Iz[f(x)—g(x)}dx ?:L{ (x+2 (x—%j(x—3)}dx<:>a:2%.
3

Suyra f(x)_g(x)=2_3o(x+z)[x_gj(x_3)@ f(x):%(x+2)(x_gj(x_3)+gx+%.

Vay _lz.f (x)dx=Hz—go(x+2)(x—gj(x—3)+gx+ﬂdx:%.
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Phan Nhat Uinh
Cau23: Chohamsé f(x)=ax"+bx*+c c6 dd thi nhu hinh v&. Biét rang f (x) dat cyc tri tai céc diem

X %, % thoa min X =X +2 V& f(x1)+f(x3)+§f(x2)=0. Goi S,, S, S,. S, la dién

, L1 2 \ ~ 1A , X +S A K. 1.1 A vy L 4A
tich cac hinh phang trong hinh v& bén. Ti s Sl 82 gan nhat voi két qua nao duoi day?
3t 9y

~

A. 0,65. B.0,7. C. 0,55 D.0,6.
Loi giai

Chon D.

Ham s6 f (x)=ax*+bx*+c co

f'(x)=4ax’+2bx=0 <| |, h < .\ [b (ab<0)
X =—— -
2a = 2a

Do d6 ham s6 ¢6 ba diém cuc tri X; X, =0; X, ==X vy X, =X +2 & X =X +2 < x =-1
=X =1
Suy ra f’(x)=4a(x+1)x(x—1):4a(

f(x)=]f'(x)dx =a(x'-2x*)+c
F(x) 4 F(%)+2F(%)=0 f(-1)+f (1)+§ f(0)=0 > (c-a)+(c-a)+ 2c=0

x3—x)

Do
3
oc=-a
4
Vay f(x):a(x4—2x2+—j
X =t o
Xét f(x)=0=x'-2x"+>=0 ﬁ
= |3
2
1 1 1
) ) &
3 72
Vay S, = | [f(x)dx= | f(x)dx=a||x*'-2x*+= |dx =——a.
aylﬂ(x)‘x.!(x)x !(x x+jx 2
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(x4—2x2+§jdx =W§—_17a.

1 1
SZ:Uf(x)‘dx:—!f(x)dx:—a m
7

2

ol

S

Suyra S, +S, =

2
NEa +14\/5—1761: 28\/5—1761_
30 60 60
Tacd S, +S,+S;+S, la dién tich hinh chir nhat c¢6 cac kich thude 1; f(x,)—-f(x;)=a.

Khido S, +S,+S,+S, =a.
28217 7(11-442)

= a.

Dodo S,+S,=a—(S,+S,) =a ” 50

S,+S,  282-17

S,+S, 7(11-442) =06,

Cau24: Cho hai hamsé f(x)=ax’+2x*+bx+1 va g(x)=cx*+4x+d c6 bang bién thién nhu sau

r — 00 i 3 +oc
T |
| J. |
ﬂl{rr;l //,jl(/’ \l“\\
9 I : 20

00

Biét rang d6 thi ciia hai ham s d4 cho cat nhau tai 3 diém phan biét c6 hoanh do x,, x,, X, thoa

Man X, + X, + X, =9 . Khi d6 dién tich hinh phang gi6i han bi cac duong y = f (x); y=9(x);
Xx=1; x=2 bang

NS B. 3. c.l. p. L.
4 2 4 2
Loi giai
Chon A

Tai cac diém cuc tri «r, B cua f(x) thi g(a)=g(B)=0,do ds
g(x)=c(x—a)(x-p) va f'(x)=3ax’+4x+b=3a(x—a)(x-p).

c=3ka k=1
Do d6 g(x)=kf'(x) <> cx* +4x+d =k (3ax* +4x+b) < {4=4k < {c=3a.
d=kb d=Db
Suyra f(x)=ax’+2x*+bx+1 va g(x)=3ax>+4x+b.
Phuong trinh hoanh do giao diém ax® +2x +bx+1=3ax’ +4x+b
< ax’+(2-3a)x*+(b-4)x+1-b=0.
- 3a—2 1 2 .y . r A .
Theo Vi-et X +X, +X, = =9 <:>a:—§:>g(x)=—x +4x+b dat gia tri 16n nhat tai

X, =_—2=2 va gid tri 16n nhat bang g(2)=1ob+4=1b=-3=c=-1=d =-3.
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Vay S:‘Z[
1

e _rxrdax =3,
3 4

Cau25: Chohamsd y=f (x) c6 dao ham lién tyc trén doan [0;7] va co dd thi ham s6 y = f'(x)trén
doan [0; 7] nhu hinh v&.

.‘!

y=f"(x \
\5\2
. - “
0 Sx \\\\\;ﬁ . 3 s i'7 x
< A3 A A 2 . ~ 1A \ 244
batg(x)= f(2x—-1), biet rang dién tich cac hinh phang trong hinh v& lan luot 1a S, = T
28 2528 . .
S,=—,S,=———va f(0)=1,tinh g(4).
=g = va f(0) 9(4)
A 219 B. 2/44 c. 218 D. 2%
15 15 15 3
Loi gidi
Chon A

Xét tich phéan

o' ()6 =9(4)-a( 3 |=9(4)- 1 (0).

N | e

Tacod g'(x)=2f'(2x—1) nén

N P —

g’(x)dx:zj f '(2x—1)dx:j f'(t)at.

2

7
Dua vio d6 thi suyraJ.f’(t)dtzsl—82+83:%.
0
4
Tir dé ta c6 g(4):jg'(x)dx+f(o)zzz_:9.
1
2

Cau 26: Cho ham sb bacba y = f(x) co do thi 1a dudng cong hinh bén.

y

S
=Y
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Céau 27;

Biét f(x) datcuctiéutai Xx=1va f(x)+1va f(x)—1 lan luot chia hétcho (x—1)% va(x+1)?
.Goi S,,S, 1a dién tich hai hinh phang dugc gach trong hinh bén. Tinh S, +S, .

AL B. 2. c.t p. L.
8 9 8 2
Loi gidi
Chon A

bat f(x)=ax®+bx* +cx+d.
Theo bai ra f(x)+1 va f(x)—1 lan luot chia hét cho (x—1)? va(x+1)?nén ta c6 thé phan tich
thanh nhan tir nhu sau:
f (x)+1=a(x-1)%(x—m)
{f(x)—1= a(x+1)?*(x—n)

Két hop voibairataco :

1
f()+1=0 a+b+c+d+1=0 a=s
f(-1)-1=0 -a+b-c+d-1=0 b=0

=N =
£(0)=0 d=0 ._.3
f'1)=0 3a+2b+c=0 2
d=0
Do d6 : f(x)=1x3—§x.
2 2
x=0
Tacd f(x):0<:>1x3—§x:0<:> .

S, la dién tich hinh phang dugc giéi han béi d6 thi y = f(x);y=-1,x=0;x=1
1

Nén S, ='|'(l x® —§x+1jdx _3
27 2 8

S, 1a dién tich hinh phing dugc gidi han boi dd thi y = f(x);y =0;x=1x=+/3

5
Nén S, = j(—£x3+§xjdx:l.
27 72 2

Viy S, +5, :2% :g(dvdt).

Cho ham séy = x* —mx (0<m<2020)cé dd thi (C). Goi S, +S, la dién tich cia hinh phang
gidi han bai (C), truc hoanh, tryc tung va duong thang x =2020. Giatricua m saocho S, =S,

la
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A m o 3040 B mo 2041 C. mo 2021 D mo 2920
3 3 3 3
Loi giai
Chon A
Taco
n & me T (20200 m2020%) m®
S :J'(xz—mx)dx: Z = - +—.
: 3 2 ) 3 2 6
¢ omx )T me
S, =—|(x*—mx)dx=—| =—- =—
e e

3 2 3 3
S, = 20208, < 2020°  m2020 +m_ _m
2 6 6
3 2
Cau28: o 2020°  m2020 0 m= 4040

3 2

3 Db thi (C):y= 2X" —4X7 =2 ct duong thang d:y=m

tai bon diém phan biét va tao ra cac hinh phing c6 dién tich Sl , 32 , 33 nhu hinh v&. Biét rang

Sl-I-SZ :Sg,khi do m:_% & dang tdi gian voi a,b e N . Tinh gia tri cia T =a+b.

"

y=m

\

A T=-19. B.T=19.

@Sz

C.T=1. D.T=37.

Loi giai

Chgn D

Phuong trinh hoanh d6 giao diém cia (C) va d 1a
2x* —4x*-2-m=0. (1)
bit t = x?, phuong trinh (1) trd thanh

2t? —4t-2-m=0 (2)
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Db thi (C) cat d tai 4 diém phan biét khi phuong trinh (1) ¢6 4 nghiém phan biét, khi d6
phuong trinh (2) c6 hai nghiém duong phan biét

A'>0 4-2(-2-m)>0
=415>0 <42>0 = —4<m< -2,
P>0

1-M o
2

Goi {1, 1a hai nghiém duong cua (2) véi b, <t,.
Khi d6 (1) c6 4 nghiém phan bigt theo thir tw1a X, =—\Jt, , X, ==\, , X, =/t , X, =/, .

¥
l 0] x3 x4

AN\
AP

Do tinh d6i xtg qua truc Oy clia (C) nén yéu cau cua bai toan tro thanh

y=m

j(2x4 —4x* —2—m)dx = _[(—2x4 +4%% + 2+ m)dx
0

X3

& I(2x4—4x2—2—m)dx:0
0

2x°  4x°

o | = —=—2+m)x |[¥=0
( 5 3 ( ) jo
2x0  4AXS

& A _(24m)x, =0
5 3 ( )X,

& 6x'—20x2~15(2+m)=0.
Suy ra X, la nghiém cua hé phuong trinh:

2X; —4x. —2-m=0 - 24x; —40%2 =0
6x! —20x2 —15(2+m)=0  |6x* —20x% —15(2+m) =0

X2 =0(1) o 5
2 5 ‘3
25
, L3 m=—28 (tm)
6’ — 20x2 ~15(2 +m) =0 9

Vay mz_%.nod() a=28,b=9.

SuyraT =a+b=37.
Céu 29: (Bo)
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Cau 30: Cho duong thang y = % x Vva parabol y = % x? +a (@ 1a tham sb thyc duong). Goi S,,S, l1an luot

1a dién tich ctia hai hinh phang duoc gach chéo trong hinh vé& bén.
Ay

S

Si

1 .
y:~.r3+(l
2

(@] T

Khi S; =3, thi @ thudc khoang nao dudi day?

ain)  elge clww) ol
"\4'32) "\32'4) "(16'32) 1 7'16)

Loi giai
Chon C

Xét phuong trinh hoanh d6 giao diém %xz +a= %x = 1x2 —%x+a =0 (*) :

Do duong thang y = % X cat parabol y = % x? +a tai hai diém phan biét c6 hoanh do dwong nén

phuong trinh (*) ¢6 hai nghiém duong phén biét 0 <X <X,

A>0 9 5
—-2a
=<:5>0416 sS0<a<s—
P>0 2a>0
Taco

X 3,V
<:>I =x? +a——x dx=0<| —+ax——=x
6 8

<::>%x§'+ax2 : Z—Ooéx +a- :x2=o.

0

Ma X, 1a nghiém phuong trinh (*) nén %xf — % X, +a=0.

X, =

(L)

Trix vé v6i vé hai phuong trinh duoc: 1 X2 + 3 X,=0< .
3 8 (TM )

X, =

®o|jo O

Véi w9 27 (. vay a= ke 2. L
NPTy T Y ST (16732)
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Cau 31: Cho ham s6 bac bén tring phuong y = f (x) c6 do thi la duong cong nhu hinh duéi day. Biét

ham s6 f(x) dat cuc tri tai ba diém X;,X,, X, (X <X, <X,) thoa man x, +X, =4. Goi S,,S, 1a

dién tich cua hai hinh phang dugc t6 mau trong hinh. Ti sb % bang?
2

Y

>
o1l w
W
|
O
|
O
|

Chon B
Dién tich S,,S, khong d6i khi ta tinh tién d6 thi thoa x, =0

vA

53

Goi g(x)=ax’+bx’+c,taco g(x) la ham chin va ba diém cuc tri twong tmg 1a —2;0;2 1a cac
nghiém ctia phuong trinh 4ax’ +2bx =0,

Duya vao dd thi g(x),taco g(0)=0.Tirdé suyra g(x)=a(x*-16x*) véi a>0.

Do tinh d6i xtig ctia ham tring phuong nén dién tich hinh chir nhat bang
25,+S,=|g(2).4=64a

Ta c6 S, 1a dién tich hinh phang giéi han bdi d6 thi ham s6 g(x), truc hoanh, duong thang

x=2,x=0.
0 (04 gu2ly, 224
Sl—J-_zg(x)dx_aJ'_z‘x —8x }dx_?
224 12
Suyra S, —6da—2. 2248 5128
15 15
viy SL_224_ 7

S, 512 16

Cau 32: Mot hinh phang duoc tao thanh tir dudng cong lemniscate (dudng cong sd 8 cta Bernoulli) co

phuong trinh trong hé toa do6 Oxy la x* =a® (X2 - yz)(a >0) nhu hinh v& bén. Biét ring mdi
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Cau 33:

don vi trong hé toa d6 Oxy tuong Ung véi chiéu dai 1m va hinh phéng nay c6 di¢n tich la

4?9(m2 ) . Ménh dé nao sau day dung?

C.3<ax<4.
Loi giai

A l<a<?2. B.2<a<3. D. 4<a<5.

Chon C
Taco X' =a’ (X’ -y*) = a’y’ =a’x’ -x' y:J_rlx\/az—x2 .
a

Vi tinh d6i xtng cua hinh trén nén dién tich cta hinh phang bang 4 lan dién tich ciia mién hinh
phang nam trong goc phan tu thi nhat cia hé toa do Oxy .

£1
Do d6 S :4(.[—x\/a2—x2dxj Patt=+a’-x*> =>t? =a’ - x* = tdt = —xdx.
a
0

Pdican x=0=t=a;x=a=1t=0.

S :4U1x\/a2—xzdezf(jtzdtj:ﬂ
0a a 0 a 0

t3
3

~

Pé cho Sz? nén azg —3<a<4,

Cho ham sé bac ba y = f (X) c6 d6 thi 1a dudng cong (C) trong hinh bén. Ham sb f (x) dat
cuc tri tai hai diém x,, x, théa f (X )+ f(X,)=0.Goi A, B lahai diém cuc tri ciia d6 thi (C);
M, N, K 1a giao diém cua (C) véi truc hoanh; S 1a dién tich ciia hinh phing duoc gach trong
hinh, S, 1a dién tich tam giac NBK . Biét ttr giac MAKB noi tiép duong tron, khi do ti s6 %

2

bang

2\/6'

3

Léi giai

Chon D
Két qua bai toan khong thay doi khi ta tinh tién d6 thi do thi (C) sang trai sao cho diém uén

tring véi goc toa do O . (nhu hinh dudi)
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Cau 34:

Yy

/S
M/ VN z
ETIS) - K
/ 5
I

Do f(x) laham sé bac ba, nhan goc toa d¢ 14 tim ddi xiang (O =N).

bit x, =-a, x,=a,véi a>0 = f'(x):k(xz—az)vdi k>0
= f(x)=k(%x3—a2x] = X, =—av/3, X, =a\/3
C6 MAKB ndi tiép duong tron tam O = OA =OM = a/3

6 1) =R " = () =aZ ok 2oz ok 22

2a* \ 3
0 2
- [ -2 LT | B2a
s 22 \12° 2 ), 8
S, = Spamo :% f(-a) MO:%a\/E.a\/_—ﬁa2
S, 4

Cho ham s6 y=x"-3x*+m c6 dd thi 1a (C,,), m1a tham sé thyc. Gia st (C,,)cdt truc OX tai
4 diém phan biét. Goi S;,S, 14 dién tich cia hai hinh phang ndm dudi truc Ox va S, la dién tich
hinh phang ndm trén truc OX dugc tao béi (C,,) véi truc O . Biét rdng ton tai duy nhét gia tri
a . - Y S SR 2 N
m=— vé&i(a,be N va — 1a phan so toi gian) d€ S, +S, =S,. Gia tri 2a—b bang:
b b

Y

S3

O

A 3. B. 4. C.6. D. 2.
Loi giai
Chgn C
*Gid str U 1a nghiém dwong 16n nhat cta phuong trinh x* —3x*+m=0
hay u*-3u’+m=0<u’*-3u’=-m (1)
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u

Phan Nhat Uinh

=0

0

u 5
*dé S, +S, =3, thi j(x“—3x2+m)dx=0 @(Xg—x3+mx]
0

u® u’ u’
& ——u+mu=0 <:>E—u"'+m=0(do u>0) @;—uz =-m (2

4
*Tur (1);(2) suy ra u* -3u® Y 0 o5uf —150% =u* —5u% < 4u* —10u% =0

(L)

u?=0
2 5
=2 (t
=2 (tm)
6

o2 (u*-5)=0< = m=2 va theo gia thiét thi gia tri nay 13 duy nhat

*Viy a=5b=4<2a-b=
Cau35: Chohamsbbac3 f(x)=ax’+bx*+cx+d vaduongthingd: g(X)=mMX+N codd thi nhu hinh

vé. Néu phén t6 mau den c6 dién tich béng % , thi phﬁn gach chéo co6 dién tich béng bao nhiéu?

A2 B.2.
2
Loi gidi

Chon C
Khong mét tinh téng quat, ta tinh tién dd thi sang bén trai 1 don vi thi co dd thi nhu hinh duéi

Ta van goi duong cong va dudng thang c6 phuong trinh dang f (X) =ax’ +bx* +cx+d va
g(x)=mx+n.
+ Quan sat duong thing di qua diém M (—2;0) va N (-11) nén duong thing c6 phuong trinh

y=Xx+2.
+ Quan sat duong cong théy hai diém cuec tri ¢ hoanh do 1a —1:1, két hop véi dao ham

f’(x)=3ax’+2bx+¢ suyra b=0 va c=-3a.
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+ Quan s&t giao diém db thi véi Oy ta thdy d=2; vay f(x)=ax’-3ax+2

+ Tir gia thiét vé dién tich phan t6 den ta co

Viy ta c6 hai duong c6 phuong trinh: f (x) = g XX —=x+2.
: (4 5 12
+ Dién tich hinh gach chéo bang S = I(g x? -y X+ ZJdX =1.
0
Cau 36: Chohamsb y=ax"+bx*+c c6 dd thi (C), biétrang (C) di qua diém A(-10), tiép tuyén d
tai A ctia (C) cét (C) tai hai diém c6 hoanh do 1an Iugt 1a 0 va 2 va dién tich hinh phéang gi6i

han boi d , do thi (C) va hai duong thing X =0;X =2 c6 dién tich bang % (phéan t6 mau trong

hinh v§).

>
2 X

>‘10

Dién tich hinh phang gi¢i han boi (C), d va hai dwong thang x =-1;x =0 c6 di¢n tich bang

INES B. 1. c.? p. 1.
5 4 9 5
Loi giai
Chon D

Goi phuong trinh duong thang d c6 dang y =mx+n.

Di¢n tich hinh phang gi6i han béi (C),d va hai duong thang x=0,x=2 1a
2 2
J.|ax4+bx2+c—mx—n|dx=§<:>—J'(ax4+bx2+c—mx—n)dx=§(*)

0 0

Vi (C) va d tiép xuc tai diém x =-1 va giao nhau tai cac diém c6 hoanh do X =0;Xx =2 nén ta
c6 ax‘ +bx’ +c—mx—n=a(x-2)x(x+1)" =a(x*-3x’ - 2x).

Khi do:

2 28 28 28

=— & —a=—<sa=1.
0 5 5 5

8

(*)@—ai(x4_3x2_zxﬁx_2_©_a X_S_XS_Xz
0 5 15
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Céu 37:

Vay dién tich hinh phang gigi han béi (C),d va hai duong thing x=-1,x=0 Ia
0
S =I|x4—3x2—2x|dx:1.
5

-1

Luu y: Dé bai trén da bo sung thém yéu té gisi han bai dé thi (C) véi dwong thang d vao cau
hoi so véi dé bai goc vi néu dé bai goc la tinh di¢n tich hinh phang gisi han bsi (C) va hai
dwong thang X =—1;x =0 la khéng hop 1i vi hinh phéang ho nén khéng tinh dwoc dién tich, néu

chon bé sung gidi han véi truc Ox thi dép dn la g khong co trong 4 dap an.

Cho ham s6 bac ba y = f (x) ¢6 dd thi (C) nhu hinh v&.

Biét r?mg dd thi ham sd d3 cho cét truc OX tai ba diém c6 hoanh d6 X, X, X; theo thtr tu 1ap
thanh cAp s6 cong va X, —x, = 2+/3. Goi dién tich hinh phing gioi han bai (C) vatruc Ox 12 S
, dién tich S, cta hinh phang gi¢i han boi cac duong y=f (x)+1, y=—f(x)-1, x=x va

X = X, bang

A. S+243. B. S +443. C. 4/3. D. 8/3.
Loi giai

Chon C

Ta co: “ X, X,, X; theo thir ty 1ap thanh cap so cong” = X, =

Xt
2

Ta c6: “Goi dién tich hinh phing gi¢i han béi (C) va truc Ox 1a S
Vay dya vao hinh anh, ta c6: S = f f (x) dX—J f (x)dx

X X2
Do f(x) lam ham s6 béc 3 nén ta co: f f (X)dX=—JE f(x)dx (1)

Ta c6: “dién tich S, ciia hinh phing gi6i han boi cac duong y = f (x)+1, y=—F (x)-1, x=x
va X=X,”
=S, = _H f(x)+1-(—f (x)—l)‘dx: j|2f (x)+2|dx:2._[|f (x)+1|dx:2.j|f (x)—(-1)|dx

X, X Xy X
Dua vao d thi ta c6 thé thay rang, khi X e (%;X,) thi dd thi y= f (x) ndm phia trén do thi
y=-1

X3

=S, = 2.]§|f (x)—(-1)|dx = Z.T[f (x)—(-1)Jdx = ZD f(x)dx+ Tl.dx}

X X X
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X
Xj=X3—X1=2\/§

Trong do: jl.dx =X

Trong do: j dX _[ dX + .[

Ma theo (1) thi ta co: J' dx_—J' dx+j x)dx =0

X

Vay ta co: S, =2[T f (x)dx+f1.dx]= 2.(0+2\/§)=4«/§.

X X

.z AL 1 1 Y e L
Cau 38: Chocacso p,q thoa mian cac diéu kién: p>1, q>1, —+==1 vacac s6 duong a,b. Xét ham
P q

s6: y=x""(x>0)co do thi 1a (C). Goi (S,) la dién tich hinh phang gi¢i han bsi (C), truc
hoanh, duong thang x=a, Goi (S,) ladién tich hinh phang gisi han bai (C), truc tung, duong
thang y =b, Goi (S) Ia dién tich hinh phang gi¢i han bai truc hoanh, truc tung va hai dudng
thing x=a, y="0.

b

0

-
x

a

Khisosanh S, +S, va S ta nhan dugc bat dang thirc nao trong cac bat dang thac dudi day?

p q p-1 q-1 p+l g+l p q
A.a—+b—Sab B. a +b >ab. C. a +b <ab. D. a—+b—>ab
P q p-1 gq-1 p+l1 qgq+1 p q

Loi giai
Chon D

a p p b( 1 it q q
Slzj(xpl)dx:(x—J za—,52=f[yp_1}d>’= yl :(y_} =b—
0 p 0 0 74_1 q 0 q
p-1
0
1 p 1 1
Vii —+l=—"—=———="=
p-1 p-1 .11 |
p q
P R
Véya—+b—2ab.
p q
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Cau 39:

Cau 40:

Cho f (x) 1a ham béc ba c6 dd thi nhu hinh v&. Biétham s6 f (x) dat cyc tri tai X, ; X, thoa man

X, = X +4 va tam d6i xtng ciia d6 thi ham s6 nam trén truc hoanh. Goi S,;S, 1a dién tich hinh
, .S

phang nhu trong hinh v&. Ty so S—l bang:

2

¥

\

>
o w
w
Nlw
O
w| b
O
w| o

Chon A

-4 o

Goi | 1a diém ubn cua do thi ham sb

Tinh tién do thi theo vector 10 ta dugc dd thi ham s y=g(x) ¢6 diém udn la gbc toa do O
va hai diém cye trj X, =-2, X, =1.=> g'(x) =3a(x+2)(x-2)=3a(x’ —4) véi a#0.

Tirdé taco g(x)=a(x’—12x)+d.

Dog(x) di qua gdc toa dd O nén d =0 = g(x)=a(x*-12x).

0
=20a.

, I x
Taco S, = [a(x —12x)dx=a[7—6x ]

-2

Lai co: S, +S, bang dién tich ciia hinh chir nhat c6 cic canh 1a 2 va g (-2)=16a
= S§,+S,=32a.Do d6 S, =32a-20a=12a.
12
Véy i — _a — § .
S, 20a 5
Cho ham sb y = x*c6 db thi (C), biét ring ton tai hai diém A, B thudc do thi (C) sao cho tiép

tuyén tai A, B va duong thing vudng goc véi hai tiép tuyén tai A, B tao thanh mot hinh chit nhat
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(H) co chidu dai gap doi chiéu rong. Goi S, 1a dién tich gi¢i han boi d6 thi (C) va hai tiép

tuyén, S, la dién tich hinh chit nhat (H ). Tinh ti sé % ?
2

125 D 125

A L= =
768 128

B.

o
w|

Loi giai
Chon A
bt A(a;a’) va B(b;b?). Khong mét tinh tong quat, ta xét a>0 va b<0

Goi: (d,) 1a duong tiép tuyén véi (C) tai A, (d,) la duong tiép tuyén véi (C) tai B.
L 52
- (d,):y =2ax a
(d,):y=2bx—b’
Do (d,)L(d,) nén

-1 1 1 Lx 1
Koy Koy =1 (22).(20)=-1=b= "1 B(E,mazj = ()=t
2 _q _ ‘ 42’ +1)’ ‘ 4a% +1)’
d,nd, tai E fa 1;—1 = chiéu dai D= ( ) va chiéu rong R:(—Z).
8a 4 8a 16a
. (46.2+1)3 125 . (dl):y:2x—1 (3
Ma D=2R=a=1=S,=~———~=——vasuyra = —_x 1 Vva E(—;—).
128a° 128 (d,):y="2-= 8" 4
2 16
3
8 1
(e (X1 2 _ 125
Suyra S, = J{x —(?—Eﬂdxﬂ;[x —(2x—1)]dx_%.

N

8

S, 125128 128 1

Nhu vay ti sb

21 —= ==

S, 768125 768 6

Cau4l: Chohamsé y=x’c6 do thi (C), biét ring ton tai hai diém A, B thudc dd thi (C) sao cho tiép
tuyéntai A, B va duong thang phap tuyén cta hai tiép tuyén d6 tao thanh mot hinh chit nhat co
chiéu dai gép doi chiéu rong. Goi S, la dién tich giéi han boi d6 thi (C) va hai tiép tuyén, S,
1a dién tich hinh chir nhat gi¢i han boi cac tiép tuyén va phép tuyén tai A B . Tinh ti s6 Sig

2
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AL B. 1. c. 125 D. 125
6 3 768 128
Loi gidi
Chon A

Pt A(a;a’) va B(b;b?). Khong mét tinh tong quat, ta xét a>0 va b<0
(d,) 1a duong tiép tuyén véi (C) tai A va (d,) l1a duong tiép tuyén véi (C) tai B
- (d,):y=2ax-a’
(d,):y=2bx—b’
Do (d,)L(d,) nén

-1 -1 1
k(dl)'k(dz) =-ls (Za)(Zb) =-1=b =4—a = 8[4—a,16a2j
—X 1
d):y=—-
= ()Y =5, Toat
. _(4a®-1 -1
d, ~d, tai E( a ;—j
8a 4
2 3 2 8
L (42 +1) . (4a® +1)
= chieu dai D= va chiéu rong R = 5
8a 16a
| (' +1) 125 (8):y =211
Ma D=2R=a=1=S§,=-~———F~=——vasuyra= x 1
128a 128 (dy):y=—-—
2 16
2_ J—
Véi a=1lsuyra E 4a 1;—1 co toa do E(i—ij.
8a 4 8 4

Suyra S, =

|e—miw

e

S, 125128 128 1

4

1
Nhuviytisé S: 768125 768 6

Cau42: Chohamsd y=f(x)=x"-2x* vahamsé y=g(x)=x*-m*, véi 0< m<+/2 1a tham sé thy
C. Goi S,,S,,S,,S, 1a dién tich cac mién gach chéo dugc cho trén hinh vé&. Ta c6 dién tich
S,+S,=S,+S, tai m,. Chon ménh dé dung.

F N

y

-

A. moe(%;gj. B. moeﬁg;%j. C. moe(%;%j. D. moeig;g].
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Loi giai
Chon B
2 e N roaA s ahs L 81284
+Péy, hamso f(x) va g(x) cb do thi doi xing qua truc tung. Do d6 dién tich s _s
2793

* Vi viy, yéu cau bai toan tré thanh tim m, dé S, =S, (1).
+ Goi a 1a hoanh d6 giao diém cua do thi ham s6 y=f(x) va y=g(x), véi diéu kién:

O<a<m<+2.
+ Dya vao d6 thi, ta co:
a a5
_ 4 2 2 _a 3 2
83—_([()( 3x“+m )dx_ c a’+am-”(2).
s S :.T(_X4+3X2_mz)dx+f(—x4+2xz)dx _a—s—a3+am2_2m3+8\/§(3)
- 5 3 15

m

* Tu (1), (2), (3) taco:
Sy =Sl<:>%—§m3:0<:>m: 3 4\5/5 z1.04e(g;%j.

Cau43: Chohamsdbacba y=f (X) c6 d6 thi 1a duong cong trong hinh vé.
Y

1 O ' z

0.

Biét ham s6 f (X) dat cyc tri tai hai diém X;, X, théa man X, =X +2 va f (X1)+ f (Xz)

, S
Goi S; va S, 1a dién tich cua hai hinh phing duoc gach trong hinh v&. Ti s S—l bang
2

A 3. B. 2. c. 3. D.
2 8 8

alw

Loi giai
Chon D

Y

I

O

=y

L L LT
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Cau 44:

Tur giad thiét ctia bai toan ta c6 diém udn | cta d6 thi ham s6 nam trén truc hoanh.

Tinh tién dd thi theo vecto 10, ta thu dugc dd thi ham s Y=g (X) ¢ diém udn 1a géc toa do
O va hai diém cyc trj X; = -1, x, =1,

Khi d6 g'(x) Ia tam thirc bac hai c6 hai nghi¢m *1 nén g'(x)=3a(x+1)(x—1)=3a(x* 1)
voi a=0.

3

Tur d6 ta co g(x)=3a[%—x]+b©g(x)za(x3_3x)+b.
Do g(X) di qua gc toaddo O nén b=0,suyra g(x)=a(x*-3x).

0 4 2
Taco S, = :[a(x3 —3x)dx = a(%—%}

0 _5a
-1 4

Lai ¢6 S;+3, bing dién tich cua hinh chit nhat ¢ hai kich thude 1 va @ (—1) =2a, suy ra

Sl+32:23.Dodé SI=2a—%=%.

vy S8
ay Sz 5'

Cho ham s6 bac ba f(x)=ax’+bx*+cx+d va duong thang d 1 g(X)=mx+n c6 do thi nhu

hinh vé. Goi S,,S,,S, 1an Iuot 14 dién tich ctia cac phan gi¢i han nhu hinh bén. Néu S, =4 thity

.S,
s0O —2 bang.
3
y {7
s Il
[\t /]
[ X |
/ ; /
/3 [2 4 o 1 2
A 2. B. 1. C.2. D. L.
2 2
Loi giai:
Chon B

e Dya vao do thi nhu hinh v&, ta c6: f (x)—g(x)=kx(x+2)(x-2).
g(x)=x+3

0
S, =S, = [ kx(x+2)(x~-2)dx =4k
-2
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5 45, (90IO@N2 (@352
2 2
S

Vi§ =4=5,=4 =5,=8-4=4.Viy =1,
3

Cau 45: Cho ham sb bac ba y = f (x) c6 do thi nhu hinh v&, biét f (x) dat cuc tiéu tai diém x=1 va
thdoa man [f (X)+1] va [f (X)—l] lan luot chia hét cho (X—l)2 va (X+1)2. Goi S,,S, lan

luot 14 dién tich nhu trong hinh bén. Tinh 2S, +8S,

\Y
] -
0 T
S
8
f(1)
Al B. > c.: D. 9
S 2
Loi giai
Chon A
. f 1=a(x-1)
bat f(x)=ax’+bx’+cx+d theo gia thiet c6 x)ri=a(x )2(X+m).
f(x)-1=a(x+1)"(x+n)
1
f(1)+1=0 a+b+c+d+1=0 a=s
f(-1)-1=0 |-a+b-c+d-1= _

oo | 1120 Jrasbocra=1=0_Jo=0 _ 1. 3
f(0)=0 d=0 .3 2" 2
f'(1)=0 3a+2b+c=0 2

d=0

Véi x=1= f (1)=-1

Xx=0
Ta co: f(x)=%x3—gx=0<:{xz+\@

S, 1a dién tich gi6i han boi db thi y:%x3—gx,y:—l, x=0,x=1

:>Slzf—x3—§x+4:§(l)
N : . Math &
Jo 12852+ e
3

o

‘ 1
S, la dién tich gi6i han béi db thi y=§x2—§x, y=0,x=1x=+3
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Cau 46:

B
:>SZ:I

1

e 34

1
X 3%73 %

Math &

|37 [3#5 -3 d

1
z

Tir (1),(2) = 25, +85, :z.%+s.g:4.

Cho ham s béc bén y = f (x) c6 do thi (C) nhu hinh v& bén. Biét ham sé y = f (x) dat cuc
P o 2 5 A a

tri tai cac diém X, X,, X, thoaman x; =x +2, f(x)+f (X3)+§ f(x,)=0 va (C) nhén duong

thang d : x = x, lam truc d6i xting. Goi S,,S,,S,,S, 1 dién tich ctia cdc mién hinh phang dugc

danh dau nhu hinh bén. Ti s6 S5i+S, gan két qua nao nhat

3+4

y\

X1

A. 0,60. B. 0,55. C. 0,65. D. 0,70.

Loi giai
Chon A
Nhén thay két qua bai todn khong doi khi ta tinh tién do thi (C) sang bén tréi sao cho duong
thang d : X=X, tring véi truc tung khi d6 (C) 1a do thi cia ham tring phuong y =g (x) c6 ba
diém cyc trj X, =—1,x, =0,x,=1. Suy ra y =g (x)=k(x" —2x*)+c (k >0)
Laico f(x)+f (x3)+§ f (x2)=0:>—2k+20+§c=0<:>c=%k

3
S Ty = =k(x*-2x*)+=k
uy ra:y=g(x) (x x)

3

s 28217,

60
Talaico: g(0)-g(1)=k =S,+S,+S,+S, =k.1=k.

28217, _77-28J2, _ S,+S, 28Y2-17
60 60 S,+S, 77-28V2

1
Khi dé: S, +$, =k dx =
0

~ 0,604

Suyra S;+S,=k-
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Céau 47: Cho parabol (P) 1y =—4x® va hai diém A, B trén (P) sao cho doan AB = 2. Tim dién tich 16n

nhat ctia hinh phing gi6i han boi (P) va dudng thing AB .
10 c. 2

A —. B. ﬂ D. 4
3 3 3
Loi giai
Chon A
Ay
i
@)
A
B
;
+) Gia sir A(a;—4a’)e(P), B(b;—4b*)e(P) vaa<b, abeR
+) Phuong trinh duong thang AB 4 y:—4(b+a)(x—a)—4a2
y=—4(b+a)x+4ab
+) Dién tich hinh phang gi6i han béi (P) va duong thing AB Ia
[ 4x° b 2.5 2
S :I[—4x2 +4(a+b)x—4ab jdx = (—?+2(a+b)x2 —4abx} _==b° —gae’ +2a’b— 2ab?

:3(b3—a‘°’+3a2b—3ab2):2(b—a)3
3 3

+) Ma AB:2:>(b—a)2+16(b2—a2)2:4 o(b-a) =———<4=-2<b-a<?2

Do d6 SS%.

a=1
a+b=0 {
Déu bang khi {[b-a=2 < .
a=1
b-a=-2 {

Vay GTLN ciia S 12 %.
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Cau48: Cho hamsd y=f (X) lién tuc trén R ¢ dd thi 1a duong cong tao vai truc OX hai ving c6

5
dién tich S;,S, (nhw hinh v&). Biét ring S; =45, va j f (x)dx =24. Tinh §; +3,
-4

y f(x)

A. 24. B. 40. C. 35. D. Khong thé xac dinh
Loi giai
Chon B

5

3
Taco: S, = _f f (x)dx va s, :—I f (x)dx.
-4

3

5

Vay: S, -5, :If(x)dx:24 va 812482
4

5, =324 S, =8, 5,45, =40,

Cau 49: Cho ham s bac bbn y = f (x) c6 do thi 1a duong cong nhu hinh bén. Biétham so y = f (x) dat
A%

cuc tri tai hai diém X;; X, thod man X, =X +2 va dd thi nhan duong th'fmg X= 2 ]am truc

dbi ximg. Goi S;;S, 1a dién tich cua phan hinh phang dwoc in mau trong hinh bén. Biét S = g,
2
IO R SR .
phan so " toi gian, a;beZ, tinh a+b.

v A

A. a+b=13. B.a+b=7. C.a+b=15. D.a+b=09.
Loi giai
Chon C

63 | Facebook tac gid: Phan Nhét Linh



Nguyén ham, tich phén va Ung dung

Céu 50:

X+ X

Két qua bai toan khong dbi khi ta tinh tién theo truc Ox sang tréi don vi, ta s& duoc do

thi mdi nhu hinh v€ dudi day

Goi hamsé méila g(x)=ax’+bx*+cx’ +dx+e,a=0;dodd thihamsé y = f (x) nhan dudng

2 +X Lo , A X . N A \ A J 1
thang x= % lam truc do6i xung nén do thi ham y=g (X) nhan truc Oy lam truc doi xtrng vi

vay Yy =g(x)1am ham s6 chin suy ra b=d =0; mat khac g(0)=e=0 tirdé g(x)=ax*+cx*
Do x,=x+2 nén x,=x+2 ma X, +x=0 suy ra x=-Lx =1 tdr do6 ta co
9'(1)=9'(-1)=0 < 4a+2c=0<c=-2a taduoc g(x)=ax'-2ax*,a>0 (1)

Ta co dién tich hinh chir nhat la S,+S,=1la=a ; ma

Flax _ 2ax h 7a 8a S 7
81:” 4_9 2)dx=a”x4_2xz‘dx=15 suy ra SZ:a=Sl=_15 tir d6 ty s6 S_lzgz suy ra
-1 1

a
) b
a+b=15.

Cho ham sé f (x) c6 dao ham xac dinh, lién tyc trén khoang (—1;+«) d6ng thoi thoa man cac
dicukién f'(x)<0Vxe(-1+0), f'(0)=-1va[f'(x)] = f"(x), f (3)=—In4.Khido dién

tich gi6i han boi do thi(C):y = f(X), truc hoanh va hai duong thing X = 2,x =3 bang bao

nhiéu?

A.8In2-In3-1. B. 8In2-3In3-1.

C. 4In2-3In3-1. D.8In2+3In3-1.
Loi giai

Chon B

Véi XE(—].;—I-OO),ta co: [f’(x)]2 = f"(x) @—1:—% <:>_1=L’_
1
—X+C,

<:>—X+C1:ﬁ<:> f’(x):

Vay f’(X):

Ma f’(0)=-1nén C, =-1.
1
B f (x):J‘_X_ldx:—In|x+]4+C2
Co6: f(3)=—In4=-In(4)+C=-In(4)=C,=0
vay: f(x)=-In(x+1).
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iln(x+1)dx

2

3
Khi d6: § = [|-In(x+1)|dx= =8In2-3In3-1.
2

Cau51: Choparabol (P):y=x*—kx+k—4,véik lathamsb. Goi S dién tich hinh phing gi6i han boi
parabol (P) va truc hoanh, gia tri nhé nhat cia S 1

A 43, B. 4. C. 45 D. 5.
Loi giai
Chon A
+ Phuong trinh hoanh d6 giao diém ctia parabol va truc hoanh la: x> —kx+k —4=0.

(P) cét truc hoanh tai hai diém phén biét khi va chi khi

(—k)’ —4(k—4)>0< k? -4k +16 > 0 dang voi moi ke R

Vay (P) luén cét truc hoanh tai hai diém phén biét

Gia st X, X, (X1 < X2) la cac hoanh dd giao didm. Ta c6: X +X =K XX, =k-4
X, =%, = k2 —4k +16.

+ Dién tich hinh phing gi¢i han bai parabol ( P) va truc hoanh la:

S :T‘xz —kx+k—4‘dx: (X—s—kiz+kx—4x]
! 3 2

3 2 3 2
= [é—%wxz—4x2j—(%—ﬁ+kx1—4x1

X2

3

3

=|(% _Xl)I:(XZ Fn) XK k(X22+X1)+k—4}

=( k2—1k+16)3 (\/(k—26)2+12)3 "

Do dé: MinS =43khi k =2.
Cau52: Cho ham s6 bac bén Y = f(X) c6 db thi 1a duong cong trong hinh v& bén.

Y
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Cau 53:

Biét d6 thi ham s f (X) dat cuc tri tai ba diém C(X; V), B(X,; V), A(Xg; ¥s) (X <X, <X;)

thoa: % =X;—2 va hinh vudng BFAD c6 dién tich bang 1. Goi S;,5, 1an luot Ia dién tich cua

, )
hai hinh phing duoc gach trén hinh v& bén. Tinh ti s6 S—l
2
1 I G

A V2. B. —. C.—. D. .
V2 15 2 15

Loi giai
Chon C

Y

Serp =1 BD* =1 BD=1 = X,-X, =1 (1)

Talaico: X =X -2 X +1=X-1(2)

Tir (1),(2) = %, +1=x, =X, -1

Tinh tién d6 thi sang bén phai truc hoanh sao cho B=0(0;0)

Khi do: dd thj ham s6 ¢6 ba diém cye trj lan lugt 1a M (=1,-1);0(0;0); N (L -1)
* Phuong trinh f (X) co dang: f(x)=a.(x*-2x*)(a>0)

x=0
Phuong trinh hoanh d6 giao diém véi truc hoanh: a(x4—2x2)=0c> X=A/2
X =—/2
* S, = lax - 2x° +1d _8a
0 15
2 _8ay2
j a(x4 2x2 = \/_
0 15
va Y2
s, 2

Goi (H) Ia hinh phing gi¢i han bi cac duong y = (x—3)°, truc tung va truc hoanh. Goi k,, k,
(k. >k,) 1a he s goc ctia hai duong thang cung di qua diém A(0;9) va chia (H) lam ba phan
c6 dién tich bang nhau. Tinh k -k, .
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Az B. 7. c.2 p. 27
2 4 4
Loi giai
Chon D
A )
A(0;9)
/
0] :\f\h’\d cE0) @
Goi d,1y=kx+9, d,:y=k,x+9 (k >k,).
. 9 . 9 9
Gol M =d,"OX=>M|-—;0|; N=d,nOX=>N|-—;0| | ——<——
K, K, k, Kk
Giao diém cua (P):y =(x—3)" véi hai truc toa do lan lugt la C(3;0), A(0;9).
Theo gia thiét ta co S, = S,y < OM =20N <:>—g:—§<:> k, =2k, .
1 2
243

3
. ) 1
Lai 6 Sy, =350 @l(x—s) dx=3.2.0AON > 9=-== >k

2

Suy ra klz—%:kl—kzz%.

27

s =——

Cau54: Ham s bac ba f(x)cé dd thi la dudng cong & hinh bén dudi. Goi X, , X, 1an lugt 1 hai diém

cuc tri théa man X, =x +2 va f(x)-3f(x,)=0. Duong thing song song véi truc va qua

diém cuc tiéu ctia d6 thi ham s6 tai diém tht hai c6 hoanh d§ x, va x, = X, +1.

Tinh ti s& > (S,, S, lan luot 1a dién tich hinh phing dwoc gach & hinh bén dudi ).
S

2

Y

A

™ | ©
w
| o1

Chon A
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+) Goi f(x)=ax’+bx*+cx+d,a>0.

= f'(x)=3ax" +2bx +c.

+) Theo gid thiét ta co f'(x)=f'(x,)=0

f'(x)=3a(x—x)(x—x,)=3a(x—x)(x-x—-2)

=3a(x-x) —6a(x-x)

= f(x):j f’(x)dx:a(x—xl)s—3a(x—x1)2 +C

+) Taco

f(x)-3f(x)=0c f(x)-3f(x+2)=0
<:>C—3(8a—12a+C):0<:>—2C+12a:0<:>C=6a

Dodé f(x)=a(x-x) —3a(x—x) +6a.

+) S, la dién tich hinh chir nhét c6 canh la x,—x,=3 va f(x,)=8a-12a+6a=2a nén
S, =6a.

+) S, la dién tich hinh  phang giéi han  boi  cac  dudng
X=X =X-Lx=x,=x+2y="f(x,)=2a va f(x)=a(x—x1)3—3a(x—x1)2 +6a.

Nén suy ra
X +2 X +2

S, = J'l[f (x)-2a]dx= jl[a(x—xl)s ~3a(x-x)’ +4a}dx

X +2

:Ea(x—xi)“—a(x—xl)3+4ax} _z2ra
x -1
, 4.6a 8
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DANG 11 Toan thuc té lién quan dén dién tich hinh phang

Caul: Mot gia dinh mudn 1am cai cong (nhu hinh v&).

I

2,5m

4m

e ————————————————————
D 6m c

Phan phia trén cong c6 hinh dang 1a mot parabol véi IH = 2,5m , phan phia dudi 1a mot hinh chir

nhat c6 kich thuéc AD =4m, AB = 6m . Gia sir gia dé 1am phan cong dugc t6 mau 14 1.000.000

d/m? va gia dé 1am phan cong phia trén 1a 1.200.000 &/m?. S6 tién gia dinh d6 phai tra 1a:

A. 24.400.000 4. B. 36.000.0004. C. 38.000.0004. D. 38.800.0004.
Cau2: Mot gia dinh muén lam canh cong (nhu hinh v&). Phan phia trén cong c6 hinh dang 1a mot parabol

v6i IH =2,5m, phan phia dudi 1a mot hinh chit nhat kich thuéc canh 1a AD=4m, AB=6m.

Gia str gia dé 1am phéan cong dugc t6 mau 1a 1.000.000(d/ mz) va gia dé 1am phéan cong phia trén

I 1.200.000(d/m? ). S6 tién gia dinh d6 phai tra 1a

4m

A. 24.400.0004 . B. 36.000.000d . C. 38.000.0004 . D. 38.800.0004 .
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Cau 3: Mot cai cong c6 dang nhu hinh v€, chiéu cao cua cong 1a 6m va chiéu rong la 8m. Mai vom
ctia cong c6 hinh nira elip véi chiéu rong 1a 6m , diém cao nhat ciia mai vom 1a 5m . Nguoi ta
mudn 14t gach hoa dé trang tri cho cong véi chi phi 1a 360.000 ddong/m?.

&m

6m

Hoi chi phi dé trang tri cho cong gan nhét véi sb tién nao dudi day?
A. 8.481.600 dong. B. 13.029.300 dong. C. 4.240.800 dong. D. 8.798.400 ddng.

Cau4: Mot bé boi hinh elip, ¢6 do dai truc 16n bang 10m va truc nhé bang 8m. Khu vuc A 1a chira nuéc,
khu vuc B 14 bac thang 18n xudng bé boi, 1a nira dudng tron c6 tdm 13 mot tiéu diém cua elip,
ban kinh bang 1m. Phan con lai 1a khu vuc C (phan t6 ¢dm) ngudi ta 1at gach (nhu hinh vé).

A @C

Néu chi phi lat gach cho mdi mét vudng 1a 400 nghin dong thi chi phi lat gach & khu vuc C 1a
bao nhiéu? (1am tron dén hang nghin)
A. 2.950.000 dong.  B. 3.578.000 dong. C. 1.360.000 d¢ong.  D. 680.000 dong.

Caub: Trong dot hoi trai to chizc ky niém ngay thanh lap Poan TNCS Ho6 Chi Minh tai truong THPT
X, Poan truong ¢ thuc hién mot du an anh trung bay trén mot pano cé dang Parabol nhu hinh
vé&. Biét rang Poan truong s& yéu cau cac Iop gui hinh du thi va dan 1én khu vyhinh chir nhat
ABCD . Phan con lai sé trang tri hoa van cho pht hop. Chi phi dén hoa van 1a 200.000 dong
cho mot m? bang. Héi chi phi thip nhat cho viéc hoan tat hoa vin trén pano gan gia tri nao nhat?

lm

fm

A. 900.000 ddng. B. 1.232.000d6ng.  C. 902.000 dong. D. 1.230.000 dong.

Cau6:  Ong An cd manh vuon hinh vudng canh 12m, 6ng dao mét hd nudce tudi rau trén manh vuon do
c6 dang parabol c6 dinh tai tim hinh vudng, parabol nay di qua hai dinh cua hinh vuéng. Phan
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Cau7:

Cau 8:

Cau 9:

con lai dng trong rau dé ban, mdi lan thu hoach rau 6ng ban dwoc 35.000 dong trén 1m?. Gia sir
nang suét rau trén manh vudn 1a nhu nhau, thu hoach ca manh vuon ong An thu dugc sb tién la

A. 3.000.000 ddng. B. 3.630.000 dong.  C. 1.680.000 dong.  D. 3.360.000 ddng.

Bon hoa ctia mot truong X c6 dang hinh tron ban kinh bang 8m . Ngudi ta chia bon hoa thanh
cac phan nhu hinh v& dudi ddy va c6 ¥ dinh trong hoa nhu sau: Phan dién tich bén trong hinh
vuong ABCD dé trong hoa. Phan dién tich kéo dai tir 4 canh ctia hinh vudéng dén dudng tron
ding dé trong c6. O 4 goc con lai mbi goc trong mot cdy co. Biét AB =4m , gia trong hoa la
200.000 d/m?, gia trong co 1a 100.000 d&/m?, mdi cay co gia 150.000d. Héi can bao nhiéu tién
dé thue hién viéc trang tri bon hoa d6?

A.12.218.000 dong.  B. 14.865.000 déng. C. 14.465.000 dong. D. 13.265.000 dong.
Nha trudng dy dinh 1am mét vuon hoa dang hinh Elip dugc chia ra lam bén phan béi hai duong
Parabol c¢6 chung dinh, ddi xtng voi nhau qua truc caa Elip nhu hinh v& bén. Biét do dai truc
16n, truc nho cua Elip 1an luot 1a 8m va 4m; F;F, 1 hai tiéu diém cua Elip. Phan A, B ding
dé trong hoa; phan C,D dung dé trong c6. Kinh phi dé trong mdi mét vudng trong hoa va trong
c6 lan lugt 1 250.000 dong va 150.000 dong. Tinh tong tién dé hoan thanh vuon hoa trén (1am
tron dén hang nghin).

A. 5.676.000 dong. B. 4.656.000 dong.  C.5.455.000 dong.  D. 4.766.000 dong.

Ong An c6 mot manh dat nho hinh vudng canh biang 4m ¢ trude san. Ong mudn trong hoa va
c6 dé trang tri manh vuon cia minh nhu sau: Ong s& trong hoa trén phan dién tich c6 dang
Parabol (P) nhan truc d6i ximg Kl cua hinh vuéng lam truc d6i xtng cua (P) va dinh cua
(P) 1a trung diém cua KI nhu hinh v&, phan co sé& trong ¢ phan con lai ctia hinh vudng. Biét
rang loai hoa 6ng mudn tréng c6 gia 200000 ddng/Im?, ¢ cd gia 50000 déng/1m?. Hoi sb

tién 6ng An bo ra dé lam manh vuodn 1a bao nhiéu (s6 tién dugc lam tron dén hang don vi)?
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Cau 10:

Céu 11;

Cau 12:

A 2v/2

D | C
A. 1365685,4 d. B. 2634314,6 4. C. 138642,5 d. D. Bép an khéc.

Ngudi ta xdy mot san khau véi san c6 dang cua hai hinh tron giao nhau (tham khéo hinh v&).
Ban kinh cua hai hinh tron 1a 30m va 40m . Khoang cach gitra hai tdm cuta hinh tron [a 50m.
Chi phi lam mdi mét vudéng phan giao nhau ctia hai hinh tron 1a 50.0004 va chi phi lam mdi mét
vudng phan con lai 13 20.0004 . Hoi s6 tién 1am mat san khau gan véi sé ndo nhét trong cac sd
dudi day?

e e——

| ORI

(/ ,
N

——

A. 235 triéu. B. 196 tricu. C. 164 tricu. D. 177 tri¢u.

Mot cong ty quang cdo X mudn lam mét bc tranh trang tri hinh MNEF ¢ chinh giira caa mot
birc tudng hinh chir nhat ABCD c¢6 chiéu cao BC = 6m, chiéu dai CD =12m. Cho biét MNEF

la hinh chit nhat c6 MN = 4m, cung EIF c¢6 hinh dang Ia mot phan caa cung parabol c6 dinh |

1a trung diém ciia canh AB va di qua 2 diém C,D . Kinh phi lam byc tranh 1a 900000 dong/ m?
. Hoi cong ty X can bao nhiéu tién dé 1am buc tranh d6?

12m
A | B
F -~ \E
D M 4m N c

A. 21.200.000 dong. B. 20.600.000d6ng. C. 20.800.000 d6ng. D. 20.400.000 dong.

Mot hoa van trang tri dugc tao ra tir mot miéng bia mong hinh vudng canh bang 10 cm bang
cach khoét di bon phan bang nhau ¢ hinh dang parabol nhu hinh bén. Biét AB =5cm, OH =4
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Cau 13:

Cau 14:

cm. Tinh dién tich bé mat hoa van do.

A. 50 cm?, B. %cmz. C. %cmz. D. %cmz.

Mot khuon vién dang nua hinh tron, trén do nguoi ta thiét ké phan dé trong hoa c6 dang cia mét
canh hoa hinh parabol c6 dinh trung v6i tdm va c6 truc doi xung vudng goc véi duong kinh cua
ntra hinh tron.

Hai dau mut ctia canh hoa ndm trén nira duong tron (phan t6 mau) va cich nhau mot khoang
bang 4m . Phan con lai ciia khudn vién (phan khong t6 mau) danh dé trong co Nhat Ban. Biét
céc kich thudc cho nhu hinh v&, chi phi dé trong hoa va c6 Nhat Ban tuong tng 14 150.000
ddng/m? va 100.000 dong/m?®. Hoi s tién can dé trong hoa va trong co Nhat Ban trong khudn
vién gan nhat véi s6 nao sau day?

A. 6.739.000 dong.  B.1.948.000 dong.  C. 3.926.000 dong.  D. 4.115.000 dong.
Cho hinh phang (H) duoc gidi han boi cac duong y=e*, y=0, Xx=0 va x=In4. Puong
thang x =k (k € R,0<k <In4)chia hinh phang (H) thanh hai phan c6 dién tich S, va S, nhu
hinh vé.

Vi

Tim k & S, =2S,.
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Cau 15:

Céu 16:

Cau 17:

Céau 18:

A. k=In3. B.kzlng. C.k=§|n4. D.k=In2.

Mot cai cong hinh parabol nhu hinh v&. Chiéu cao GH =4m , chiéu rong AB=4m ,
AC = BD =0,9m . Chu nha lam hai canh céng khi dong lai I hinh chit nhat CDEF t6 dam gia
la 1200000 d6ng/m?, con cac phan dé trang lam xién hoa c6 gia la 900000 dong/m?.

G

C Hl D
A B

Hoi tong chi phi dé 12 hai phan n6i trén gan nhat véi s tién nao dudi day?

A. 11445000 (dong).  B. 7368000 (d5ng).  C. 4077000 (d¢ong).  D. 11370000 (ddng)

C)ng Toan c6 mdt manh dat hinh Elip c6 d0 dai truc 16n béng 16 m va do dai truc nhé la 10 m.
Ong dé mot dai dat rong 8 mlam san, 16i di va dai dat nay nhan tryc bé cua Elip lam truc ddi
xtng dong thoi ong mudn trong hoa hai bén manh dat con lai. Biét kinh phi dé trong hoa 13
100.000 d6ng /m?. Hoi 6ng Toan can bao nhiéu tién dé trong hoa trén phan dat d6? ( két qua
dugc 1am tron dén hang nghin ).

A. 7.652.000 dong. B. 4.913.000 dong. C. 4.914.000 dong. D. 7.653.000 dong.

Mot cong chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé 12 m . Ngudi ta cing

hai s¢i ddy trang tri AB, CD nam ngang dong thoi chia hinh gii han boi Parabol va mat dat

thinh ba phin ¢6 dién tich bing nhau (xem hinh v& bén). Ti s6 % bing

18m
D
1 4 1 3
A —. B. —. C. —. D. .
2 5 3 1+ 242

M0t san choi cho tré em hinh chit nhat ¢ chiéu dai 100 m va chiéu rong 13 60 m ngudi ta lam
mot con duong nam trong san (tham khao hinh bén). Biét rang vién ngoai va vién trong cua con
duong 13 hai duong elip, elip cua duong vién ngoai co truc 16n va truc bé 1an luot song song véi
cac canh hinh chir nhat va chiéu rong caa mat duong 1a 2 m. Kinh phi cho méi m? lam duong
600.000 d6ng. Tinh téng sb tién (1am tron dén hang nghin) lam con dudng do.
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100m >

L

A. 294.053.000 ddng. B. 283.904.000 ddng. C. 293.804.000 ddng. D. 283.604.000 déng.

Cau 19: Mot bién canh bao c6 dang hinh elip voi bon dinh A, A,, B, B, nhu hinh v& dudi phan t6 dam
duoc son mau do chi phi 13 150.000 dong trén mot mét vudng, phan con lai son mau tring chi
phi 1a 100.000 dong trén mdt mét vuong. Hoi s6 tién ( tinh theo dong) d€ son theo cach trén gan
nhit v&i s6 tién nao dudi day, biét AA, =10m, BB, =8m, va tir giac MNPQ 14 hinh chit nhat
c6 MQ=4m?

A. 9.243.000. B. 9.620.000. C. 7.330.000 D. 8.756.000.

Cau 20: Ong Toan c6 mot manh dat phang hinh elip c6 do dai truc 16n bang 16m va do dai truc bé bang
10m. Ong dé mot dai dat rong 8m lam san, 16i di va dai dat nay nhan truc bé cua elip lam tryc
dbi xtmg (nhu hinh v&) dong thoi ong mudn trong hoa hai bén manh dat con lai. Biét kinh phi dé
trong hoa 1a 100.000 dong/1m?. Hoi 6ng Toan can bao nhiéu tién dé trong hoa trén dai dat do?

(S tién dugc 1am tron dén hang nghin).
R e

Sm

‘-—_______-l-‘
A. 7.652.000 ddng.  B. 4.913.000 ddng. C.4.914.000 ddng. D. 7.653.000 ddng.

Cau21: Ong A co6 mdt cai cong hinh chit nhat, 161 vao cong c6 dang parabol co kich thuéc nhu hinh v&.
Ong A can trang tri bé mat (phan gach chéo) cua cong. Ong A can bao nhiéu tién dé trang tri,
biét gia thanh trang tri 1a 1.200.000 d6ng /1m??
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Cau 22:

Céu 23:

Cau 24:

A. 20 triéu dong. B. 16 triéu dong. C. 10triéu dong. D. 8 triéu dong.

Mot manh vudn hinh chit nhat c6 chiéu dai 18m, chiéu rong 10m. Ngudi ta d6 & giira. Biét bé
day 16p bé tong 1a 10cm . Tinh thé tich lugng bé tong can dung?

//\_/X 3
/’\_\_/

A. 60m®. B.6m°. C. 54m3, D. 5,4m®.

Mot khudn vién dang nira hinh tron, trén d6 nguoi thiét ké phz‘in dé tréng hoa c6 dang ctia mot
canh hoa hinh parabol c6 dinh tring v&i tim va c6 truc ddi xtmg vudng goc véi duong kinh cia
ntra hinh tron, hai ddu mut cia canh hoa nam trén nira duong tron (phan té mau) va cach nhau
mot khoang bang 4m. Phan con lai caa khuon vién (phan khdng té mau) danh dé trong c6 Nhat
Ban. Biét cac kich thudc cho nhu hinh v&, chi phi dé trong hoa va c6 Nhat Ban tuong tng la
150.000 ddng/ m? va 100.000 dong/m?. Hoi s tién can dé trong hoa va trong co Nhat Ban trong
khuén vién d6 gan nhét véi s6 nao sau day?

4m

e
3

Q- mmmmm S

L L Ty

A. 3.739.000 (ddng). B.1.948.000 (déng). C. 3.926.000 (déng). D. 4.115.000 (ddng).

Mot san choi cho tré em hinh chit nhat ¢6 chiéu dai 100m va chiéu rong 1a 60m nguoi ta lam
mot con dudng ndm trong san (nhw hinh vé). Biét rang vién ngoai va vién trong ctia con duong
1a hai duong Elip, Elip ctia vién ngoai co truc 16n va truc bé 1an lugt song song véi cac canh hinh
chit nhat va chiéu rong ciia mat dudng 1a 2m. Kinh phi cho mdi m? 1am duong 1a 600.000
ddng. Tinh tong sd tién lam con dudng d6 (S6 tién dwge lam tron dén hang nghin)
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A. 293904000 . B. 283604000 . C. 293804000 . D. 283904000 .
Cau25: Ong A da cai tao mot miéng dat thanh hinh elip. Elip ndy c6 do dai tryc 16n 14 12 mét. Trong
elip c6 mot duong tron di qua cac dinh trén truc nho va cac tiéu diém F,, F, .Ong A mudn trong
c6 May Min cho méanh dat 1 phan bén trong Elip va bén ngoai duong tron. Biét rang chi phi cho
viéc trong c6 May Mién 14 60 nghin dong trén mot mét vudng. Hoi tong chi phi trong co6 May

Man gan nhat véi so tién nao sau day?

Trong co

A.2811 nghin dong.  B. 1405 nghin dong.  C. 447 nghin dong.  D. 895 nghin dong.

Cau 26: Mot cong ty quang cdo X mudn lam mot buc tranh trang tri hinh MNEIF & chinh giita ciia mot
burc tudng hinh chir nhat ABCD ¢6 chiéu cao BC = 6 m, chiéu dai CD = 12 m (hinh v& bén). Cho
biét MNEF 14 hinh chit nhat c6 MN = 4 m, cung EIF c6 hinh dang 1a mot phan ciia cung parabol
¢6 dinh I 13 trung diém cua canh AB va di qua hai diém C, D . Kinh phi lam bic tranh 1a 900.000
ddng/m?. Hoi cong ty X can bao nhiéu tién dé 1am buc tranh d6?

li fremagh

D

WEStsSEEEE oy L

A. 21200000 dong. B. 20600000 dong.  C. 20800000 dong.  D. 20400000 dong.

Cau 27: Mot hoa vin trang tri dugc tao ra tir mot miéng bia méng hinh vudng canh bing 10 cm bang
cach khoét di bdn phan bang nhau c¢6 hinh dang parabol nhu hinh bén. Biét AB = 5 cm, OH =
4cm. Tinh dién tich bé mat hoa van do.
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cm?.

160

a)

A. 50 cm?.

3

b1 xtmg. Biét duong
6 dang |

14
Ao

c6 hinh dang 1a mot hinh truc d
a 1om phia duoi d
inh bén dudi. Tinh dién tich cta logo do.

ang,
0t pharabol v

B
-

am nhya ph

r
5

tt

A

ang mQ

N
-

Ong T 1am logo b

Céu 28:

t parabol,

amo

\

ay cung ¢

r

2

ua 1m

hai bén la hai nhanh ¢
hai nhanh phia trén 1a hai doan thang, nhu h

vién

6 dm

dng (H) gi6i han

a bén phai truc tung 1a hinh ph

o nu

7

¢. Khid

inh v

Chon hé truc toa dd Oxy nhu h

=0.

X+5;y=—x*+1;x

y=x"-1y=
(H)

ac dudong

9

&1 cac

b

»

Dién tich hinh phang
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Céu 29:

Cau 30:

Céu 31:

Céu 32:

i(x+5 (1-x? )dx+f(x+5 (x? —1))d 7g’(dmz)

Vay dién tich cin tim 1a § =25, = 73(

dm?® )

Ong An du dinh 1am mét vudn hoa dang elip dugc chia ra 1am bon phéan béi hai dudng parabol
c6 chung dinh, d61 xtrng v61 nhau qua truc cua elip nhu hinh vé dudi. Biét do dai truc 16n, truc
nho ctia elip 1an lugt 1a 16m va 8m, F,, F, 1a hai tiéu diém cta elip. Phan A, B dung dé trong
hoa, phan C, D dung dé trong co. Kinh phi dé trong mdi mét vudng hoa va co lan luot 1a
200.000 va 100.000 dong. Tinh tng tién dé hoan thanh vuon hoa trén (lam tron dén hang
nghin).

A. 17.679.000 dong.  B. 19.526.000 déng. C.19.526.000 dong. D. 13.547.000 dong.

Mot khu cong vién hinh chit nhat c¢6 chiéu dai 1a 100m va chiéu rong 1a 60m . Ngudi ta lam mot
con dudng nam trong san (tham khao hinh duéi). BIét rang vién ngoai va vién trong ctia con
duong 13 hai duong elip, duong elip vién ngoai c6 truc 16n va truc bé lan lugt song song voi cac
canh hinh chit nhat, chiéu rong cuia mat duong la 2m . Kinh phi cho mdi m? 1am duong la
600.000 ddng. Tinh tong sd tién (1am tron dén hang nghin) dé lam con duong do.
A.293.804.000 dong.  B.283.604.000 dong. C.294.053.000 dong. D.283.904.000 dong.
Chuén bi don hé 2021, nha bac Hoa mdi thg vé 1am mai vom chéng néng cho khoang san trudce

nha bang loai nhya thong minh polycacnonat mau trang trong véi don gia 1m’® 13 655.000 dong.
Mii vom 1a mot phan ciia mit xung quanh ciia mét hinh try phu kin sén c6 chiéu dai 10m, khi
dat thudc day vao 3 diém A B,C do dugc AB=2,8m;BC =3,6m; AC =6,2m (hinh minh
hoa bén duéi). Hoi s6 tién (don vi dong, 1am tron dén hang nghin) mua mai nhya gan nhét véi
sO nao dudi day?

A. 263514000. B. 42387000 . C. 40387000 D. 4238700.

1 R .
ﬁ m, bac xay ao ca la phan
t6 dam trong hinh v&, duong vién bién cua ao ca trong san la mot duong Parabol. Phan khong
X4y ao c4, Bac An mua thém hoa vé tréng. Biét raing 1m? ao ca ¢ gia 250000 dong va 1Im? trdng
hoa ¢ gia 50000 dong. Hoi bac An tén bao nhiéu tién dé hoan thanh khu vuon?

Bac An ¢6 san vuon hinh Elip d6 dai canh 16n 1a 2m va canh bé la
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A. 257056,872 ddng. B. 335633,2274 dong.
C. 725519,7457 dong. D. 362759,8728 dong.

Cau 33: Mot cai thung dung dau c6 thiét dién ngang (mit trong cta thung) 1a mot duong elip ¢6 truc 16n
bang 1M, truc bé bang 0,8m , chiéu dai (mit trong cua thung) bang 3m . Puoc dit sao cho truc
bé nam theo phuong thang ding (nhu hinh bén). Biét chidu cao ciia dau hién c6 trong thung (tinh
tir day thung dén mat dau) 1a 0,6m . Tinh thé tich V ctia dau c6 trong thung (Két qua 1am tron

dén phan tram).

A R
£

CAM LUA

[

s

(L

A v =152md. B.v =1,31m®. C.v =127md. D.v =1,19m3.
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HUONG DAN GIAI CHI TIET

Caul: Mot gia dinh mudn 1am cai cong (nhu hinh v§).

I
2,m
4 B
H
4dm
L ————————
D 6m C

Phan phia trén cong c¢6 hinh dang 1a mét parabol véi IH = 2,5m, phan phia duéi 1a mét hinh chi
nhat c6 kich thuéc AD = 4m, AB =6m . Gia sir gia dé 1am phan cong dugc t6 mau 14 1.000.000
d/m? va gia dé 1am phan cong phia trén 1a 1.200.000 &/m?. S6 tién gia dinh d6 phai tra 1a:
A. 24.400.000 g. B. 36.000.0004. C. 38.000.0004. D. 38.800.0004.

Loi giai
Chon B

Y

4m

D om C

Ta co:
+) S gep = 4.6 = 24(mM?) nén so tién lam phan cong hinh chit nhat ABCD la: 24.000.000 4.
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+) Gan hé truc toa do Hxy nhu hinh v&. Khi d6, parabol c6 dang: y = ax? +b(P). Parabol di

a=——
b=2,5
o 18

9a+2,5=0

5, 5
Vay y=-—x? 42
5 VYT

2

qua diém 1(0;2,5) va B(3;0) nén: {
b=

3
Suy ra, dién tich phia trén ciia cong la: S = I(—% X+ gjdx =10(m2) .
-3

S6 tién lam phan cong phia trén 1a: 12.000.0004.
Vay s6 tién gia dinh phai tra 1a: 24.000.000+12.000.000 = 36.000.000 d.

Cau2: Mot gia dinh mudn 1am canh cong (nhu hinh v&). Phan phia trén cong c6 hinh dang 1a mot parabol
v6i IH =2,5m, phan phia dudi 1a mot hinh chit nhat kich thuéc canh 1a AD=4m, AB=6m.

Gia str gia dé 1am phan cong dugc t6 mau 1a 1.000.000(6/ mz) va gia dé lam phan cong phia trén

1 1.200.000(d/m? ). S6 tién gia dinh d6 phai tra 1a

A. 24.400.0004d . B. 36.000.0004 . C. 38.000.0004 . D. 38.800.0004 .
Loi giai
Chgn B

Xét hé truc toa d6 nhu hinh v&: Gdc toa 36 O triung diém H, A va B thudc truc Ox, H thudc
truc Oy .
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Khi d6 H (0;0), 1(0;2,5), B(3;0), A(-3,0).

Goi parabol can tim ¢6 dang (P):y =ax’+bx+c.

5
9a-3b+c=0 |27 715
Do A, B, | thudc (P) néntacohé <9a+3b+c=0<1b=0
c=25 5
c==
2

5, 5

Do dé6 bolla (P):y=——X"+—.

o d6 parabol 1a (P):y 18 5
Dién tich phan phia trén cong c6 hinh dang 13 mot parabol 12
3 3 3
I(—ixz +§]dx 22 X5 <10,
%\ 18 2 183 2 ),
Gia tién dé 1am phan cong phia trén 1a 10x1.200.000 =12.000.000 .
Dién tich phan phia du6i 1a mét hinh chir nhat 1a 4.6 = 24.
Gia tién dé 1am phan cong dugc t6 mau 1a 24x1.000.000 = 24.000.000 .
S6 tién gia dinh d6 phai tra 1a 12.000.000 + 24.000.000 = 36.000.000 .

Cau 3: Mot cai cong c6 dang nhur hinh v&, chiéu cao ciia cong 1a 6m va chiéu rong 1a 8m . Mai vom
ctia cong c6 hinh nira elip v6i chiéu rong 1a 6m , diém cao nhit ciia mai vom 1a 5m . Ngudi ta
mudn lat gach hoa dé trang tri cho cong véi chi phi 1a 360.000 dong/m?.

8m

6m

Hoi chi phi dé trang tri cho cong gan nhét véi sb tién nao dudi day?
A. 8.481.600 dong. B. 13.029.300 dong. C. 4.240.800 dong. D. 8.798.400 dong.
Loi giai
Chon D
152 ,

Dién tich nraelip 1a S =%.n.5.3=7m

hen

Dién tich can 1at gachhoala S =S, —-S= 8.6—§7z(m2) .
Sb tién can dung dé trang tri cong 1a T = S,.360000 = 8798400 .

Cau 4: Mot bé boi hinh elip, co d6 dai truc 16n bang 10m va truc nhé bang 8m. Khu vuc A 1a chira nudc,
khu vuc B 1a bac thang 1én xudng bé boi, 1a nira duong tron c6 tam 1a mot tiéu diém cua elip,
ban kinh bang 1m. Phan con lai 1a khu vyc C (phan t6 ddm) nguoi ta 1at gach (nhu hinh v&).
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Cau 5:

A @C

Néu chi phi lat gach cho mdi mét vudng 1a 400 nghin dong thi chi phi 14t gach & khu vuc C 1a
bao nhiéu? (Iam tron dén hang nghin)
A. 2.950.000 dong.  B. 3.578.000 dong. C. 1.360.000 dong.  D. 680.000 dong.

Léi giai

Chon A

bat h¢ truc Oxy nhu hinh vé

Do dai truc 16n 14 10, trucnhé 1a 8§ = a=5b=4=c=+a*-b* =3

XZ y2 X2
Ta c6 phuong trinh elipla —+—=1=>y=4.,/1—-—
Patong PR 55" 16 Y=41"25

Goi S la phan dién tich 1at gach phia trén truc Ox
2 x?
S, = l——dx——;zl —1-Z vsi | = 4./1--dx (c6 thé bam m&
Dién tich phan 1a gach 14 2S,, suy ra s tién lat gach 1a 2S,.400000 = 2.950.000 dong.

Trong dot hoi trai to chirc ky niém ngay thanh 1ap Poan TNCS Hb Chi Minh tai truong THPT
X, Poan truong ¢ thuc hién mot du an anh trung bay trén mot pano cé dang Parabol nhu hinh
vé&. Biét rang Poan truong s& yéu cau cac Iop gui hinh du thi va dan 1én khu vyhinh chir nhat
ABCD . Phan con lai s& trang tri hoa van cho pht hop. Chi phi dén hoa van 1a 200.000 dong
cho mot m? bang. Héi chi phi thip nhat cho viéc hoan tat hoa vin trén pano gan gia tri nao nhat?

im

fm
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Cau 6:

A. 900.000ddng. B. 1.232.000dong.  C. 902.000 dong. D. 1.230.000 ddng.
Lai giai
Chon C

> D 0O C 5 =
Xét hé trutoa dnhu hinh v&. Parabol ciia pano ¢6 dang y =ax”+c(a<0). Vi (P) cat Oy tai
diém c6 tung d4 nén c=4. Ma (P) di qua diém (2;0) nén a=-1. Nhu vay Parabol ciia pano
¢6 phuong trinh Yy =4—X* trén doan [—2; 2] .
Gia sir CD = 2x v6i 0< x <2.Khi d6 di¢n tich cua hinh chir nhat 1a S5, = 2x(4-X°).

Dién tich phan trang tri cta hoa van la
2

32
S(x)= j(4—x2)dx—2x(4—x2):2x3—8x+?

Ham s6 S(x) ¢6 S'(x)=6x"-8 va S'(x):0c>x:i¥
Trén doan [-2;2] ta co s(iz)z%; S[ij:%—:z«/é; S{_zszgmgzﬁ

Do d6 gié tri nho nhat ciia S(X) trén doan [-2;2] 1a 96—32«@

Chi phi cho hoa tiét van hoa lido 1a 28=323

x 200.000 ~ 902.000 ddng.

Ong An ¢6 manh vuon hinh vudng canh 12m, 6ng dao mot hd nude tudi rau trén manh vuon do
c6 dang parabol c6 dinh tai tam hinh vudng, parabol nay di qua hai dinh ciia hinh vuéng. Phan
con lai dng trong rau dé ban, mdi lan thu hoach rau 6ng ban dwoc 35.000 dong trén 1m?. Gia sir
nang suat rau trén manh vuon 1a nhu nhau, thu hoach ca manh vudn éng An thu duoc s6 tién la

A. 3.000.000 déng. B. 3.630.000 ¢6ng.  C. 1.680.000 dong.  D. 3.360.000 dong.

Léi giai
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Cau7:

Chon D
Chon hé truc toa do nhu hinh v& (O 1a giao diém hai dudng chéo hinh vuéng).

A
6

O
(N O
C...
-6

Vi parabol di qua goc toa d6 O va qua diém (6;6),(—6;6) nén parabol c¢6 phuong trinh 1a

1
P):y==x%
(P)y=3%
1.
==X
y 6
Khi d6, dién tich phan khdng trong rau 1a phan hinh gi¢i han bsi{y =6  nén dién tich caa n6
X=06
X=-6

6

la |

-6

61y
6

6
dx=j(6—lx2de=48m2.
% 6

Suy ra dién tich phan trong rau la: 122 — 48 = 96m?.
S6 tién thu dwoc do trong rau 1a 96.35000 = 3.360.000 dong.

Bon hoa clia mot truong X ¢6 dang hinh tron ban kinh bang 8m . Nguoi ta chia bon hoa thanh

céc phan nhu hinh v& dudi day va cé y dinh tréng hoa nhu sau: Phan dién tich bén trong hinh

vuong ABCD dé trong hoa. Phan dién tich kéo dai tir 4 canh cta hinh vudéng dén dudng tron

ding dé trong c6. O 4 goc con lai mdi goc trong mot cdy co. Biét AB =4m , gia trong hoa la

200.000 d/m?, gia trong co 1a 100.000 d&/m? mdi cay co gia 150.000d. Hoi can bao nhiéu tién

dé thyuc hién viéc trang tri bdn hoa d6?

A.12.218.000 dong.  B. 14.865.000 dong. C. 14.465.000 déng. D. 13.265.000 dong.
Loi giai

Chon D
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Cau 8:

Gia sir phwong trinh dudng tron ciia bdn hoa la: X* +y* =64; AB:y=2; BC:x=2.
Suy ra F 24/15:2 , dién tich hinh tron 1a 647 m2 Dién tich hinh vuéng ABCD 13 16 m2.

215
Dién tich tam giac cong BEF la S = f V64— x* —2 dx ~ 22,602 m?,
2

Suy ra dién tich phan trong co 1a ~ 647 —16 — 22,604x4 ~ 94,645 m>.
Do d6 sb tién can dé trang tri bon hoa la:
~16x150.000 + 94, 645x100.000 +150.000x4 ~~13.265.000 .

Nha truong du dinh 1am mot vuon hoa dang hinh Elip dugc chia ra [am bdn ph?m boi hai duong
Parabol c6 chung dinh, ddi xtrng v&i nhau qua truc cua Elip nhu hinh v€ bén. Biét d6 dai truc
16, truc nho cua Elip 1an luot 13 8m va 4m; F;F, 14 hai tiéu diém cua Elip. Phin A B duing
dé trdng hoa; phan C,D dung dé trdng co. Kinh phi dé trong mdi mét vudng trong hoa va trong
¢6 1an luot 1a 250.000 dong va 150.000 dong. Tinh téng tién dé hoan thanh vudn hoa trén (1am
tron dén hang nghin).

A. 5.676.000 dong. B. 4.656.000 dong.  C.5.455.000 dong.  D. 4.766.000 dong.

Loi giai
Chon A
. X2 y? .
Goi phuong trinh chinh tic cta Elip 1la —2+le va tiéu diém F,(c;0) voi
a

a>b>0; c?=a’-b’.

(V0) gla 1€ al

2 2

2
Phuong trinh Elip: Z)L(_6+ yI =l y=+2, /1—:)[(—6 , toa d0 giao diém cta duong thing X = 2\/§

va Elip: M (2\/§;1) va M’(2J§;—1).
Dién tich Elip: 7ab=7.4.2=8x.
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Dién tich gi¢i han boi parabol phia trén truc hoanh, truc hoanh va hai duong thang X = +243 Ia:

1 43
3

SRR FM_—4f1—

Tong tién dé hoan thanh vudn hoa (dién tich vuon x 150.000 + dién tich hoa x 100.000) 1a:

243 2
87.150000 + 2.[ _[ 1fl—x—d —M} 100000 ~ 5.676.000 dong.

23 1

Cau9: Ong An c6 mdt manh dat nhé hinh vudéng canh bang 4m & trude san. Ong mudn trong hoa va

¢ dé trang tri manh vuon ciia minh nhu sau: Ong sé& trong hoa trén phan dién tich ¢6 dang
Parabol (P) nhan truc dbi xtimg Kl cta hinh vudng lam truc dbi ximg cua (P) va dinh cua
(P) 1a trung diém cua KI nhu hinh v&, phin c6 s& trong & phan con lai ciia hinh vudng. Biét
rang loai hoa 6ng mudn trong c6 gia 200000 ddng/Im?, cd cd gia 50000 ddng/Im?. Hoi sb

tién 6ng An bo ra dé lam manh vuodn 1a bao nhi€u (s6 tién dugc lam tron dén hang don vi)?

A 2v/2 - .
e .
o)
D | c
A. 1365685,4 d. B. 2634314,6 d. C. 138642,5 d. D. bap an khac.
Loi giai
Chon A
y
A B
I
I
l
l
l
| X
-2 7\/5 2
D 21 C

Xét hé truc toa do Oxy nhu hinh vé.
Phuong trinh cua (P) la y=x*; phuong trinh cia AB 1a y=2
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2 3
= Dién tich phan trong hoa la: S, = j (2 —x? )dx = (ZX - X—]
i

V2 _8V2

2 3

82 _48-82
3 3

Vay s6 tién ong An bo ra dé 1am manh vuon 1a: 200000.S; +50000.S, ~1365685,4 dong.

Dién tich phan trong ¢6 1a: S, =S 5o =S, = 4°

Cau 10: Ngudi ta xdy mot san khiu v6i san c6 dang cua hai hinh tron giao nhau (tham khéo hinh vé&).
Ban kinh cua hai hinh tron 1a 30m va 40m . Khoang cach giira hai tdm cua hinh tron la 50m.
Chi phi lam mdi mét vudéng phin giao nhau cta hai hinh tron 1a 50.0004 va chi phi 1am mdi mét
vudng phan con lai 13 20.0004 . Hoi s6 tién 1am mat san khu gan véi sb nao nhat trong cac sd

dudi day?
/ \
f , |
\\ | I' ,
A. 235 trigu. B. 196 tri¢u. C. 164 tricu. D. 177 tri¢u.
Loi giai
Chon C

Dung hé truc toa do Oxy nhu hinh vé.

by

Tacé: 0(0;0),H(-8;0),K(12;0),1(-18;0),1'(32;0)

Phuong trinh dudng tron tim |, ban kinh bang 30m 1a: (x +18)2 +y® =900
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Cau 11:

Suy ra: y =4/900—(x+18)’

Phuong trinh duong tron tam 1', ban kinh bang 40m la: (x— 32)2 +y? =1600

Suyra: y = \/1600 —(x-32)’

0 12
S, +S,= 2.{I\/1600—(x—32)2dx+I1/900—(x+18)2dx} ~ 664,17
-8 0

Vay tong so tién lam mat san khau la:

T =50000.(S, + S, )+20000.] 7(30° +40) - 2(S, +$,) | ~163,7.10°.

Mot cong ty quang cdo X mudn lam mét bic tranh trang tri hinh MNEF ¢ chinh giira caa mot
birc twdng hinh chit nhat ABCD c¢6 chiéu cao BC = 6m, chiéu dai CD =12m. Cho biét MNEF
la hinh chit nhat c6 MN = 4m, cung EIF ¢6 hinh dang Ia mot phan caa cung parabol c6 dinh |
1a trung diém cta canh AB va di qua 2 diém C,D. Kinh phi lam bt tranh 1a 900000 déng/ m?

. Hoi cong ty X can bao nhiéu tién dé 1am biic tranh d6?
12m

A

I
F_~— \E

D M 4m N C
A. 21.200.000 dong.  B. 20.600.000d6ng. C. 20.800.000 d6ng. D. 20.400.000 dong.
Loi giai
Chon C

12m
V

F_~— | \E

D M 4m N o\ X

Gin hé truc toa d0 nhu hinh v€ trén, dd thi ham ) parabol y=ax’+bx+c qua 3 diém
C(6;0);D(~6;0);1(0;6), ta c6 h¢ phuong trinh:

1

36a+6b+c=0 |2~

36a-6b+c=0<<b=0 Suyrahe‘lmséparabollé:y:f(x)=—%xz+6.
c=6 c=6
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Dién tich MNEF la dién tich hinh phiing gi6i han béi d6 thi ham s y = f (x)= —% x> +6, truc

2
hoanh va hai dudng thang x=-2,x=2.Suyra S, =S= I(_% X\ + GJdX - %3 m’
2

Viy sb tién dé 1am burc tranh d6 la: % .900000 = 20.800.000 déng.

Cau 12: M0t hoa van trang tri duoc tao ra tir mot miéng bia mong hinh vudng canh bang 10 cm bing
cach khoét di bon phan bang nhau c¢6 hinh dang parabol nhu hinh bén. Biét AB =5cm, OH =4
cm. Tinh dién tich bé mit hoa vin do.

A. 50 cm?. B. ——cm?. C. —cm?. D. —cm?.

Chon C

Dua parabol vao hé truc OXy ta tim duogc phuong trinh 1a: (P): y= —% X2 +?X .
. N v (D). 16 , 16 e 2
Dién tich hinh phang giéi han baoi (P) Y= 5 X +€ X, truc hoanh va céc duong thing x =0
5
, x=51a: S :j(—ﬁxﬁgx}ix:ﬂ.
o\ 25 5 3

: . A1 . 1
Téng dién tich phin bi khoét di: S, =4S = % cm?.
Dién tich ctia hinh vuéng 1a: S,, =100 cm”.

. ) 1 14

Vay dién tich bé mit hoa van la: S, =S,, —S, =100 —% = ?0 cm?.

Cau 13: Mot khuon vién dang nira hinh tron, trén d6 ngudi ta thiét ké phan dé trong hoa c6 dang ctia mot
canh hoa hinh parabol c6 dinh tring véi tdm va c6 truc dbi xing vudng goc v6i dudng kinh cia
nua hinh tron.
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Céau 14:

Hai dau mut cta canh hoa nam trén ntra dudng tron (phan t6 mau) va cach nhau mot khoang
bang 4m . Phin con lai cua khudn vién (phan khong t6 mau) danh dé trdng c6 Nhat Ban. Biét
cac kich thudc cho nhu hinh v&, chi phi dé trong hoa va c6 Nhat Ban tuong tng 1a 150.000
dong/m? va 100.000 dong/m?. Hoi sé tién can dé trong hoa va trong c6 Nhat Ban trong khudn
vién gan nhat véi s6 nao sau day?

A. 6.739.000 dong.  B.1.948.000 dong.  C. 3.926.000 dong.  D. 4.115.000 dong.

Loi gidi
Chon D

uya

4 |
' |
| |
| |
' |
| !
| |
' |
| !
1 -

Chon h¢ truc toa do nhu hinh v&.
Khi d6 parabol ¢6 dinh O, di qua (2;4) va (~2;4) c6 phuong trinh y=x".

Nira duong tron c6 tam O, ban kinh V20 o phuong trinh y =+/20—x* .

dx = i(\/zo—x2 —Xz)dxz11,94.
)

2
Phan dién tich trong hoa 1a S = ”\/ 20— x* —x?
-2

. ; 1
Phan dién tich trong co la E?Z' -20—-5=19,48.
S tién trong hoa va c6 gan bang 11,94 x150.000+19, 48x100.000 ~ 3.739.000 ddng.

Cho hinh phang (H) duoc giéi han boi cac duong y=e*, y=0, Xx=0 va x=In4. Puong
thang x =k (k € R,0<k <In4)chia hinh phang (H) thanh hai phan c6 dién tich S, va S, nhu

hinh vé.
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Tim k dé S, =2S,.

A. k=In3. B. k=In=. C.k:§ln4. D.k=In2.

Chon D
k

Taco S, =Iexdx =e -1,
0

In4
S, = I e'dx=e" —e“ =4-¢*,
k

VIS, =25 =>4-e =226 =2k=In2.

Cau 15: Mot céi cong hinh parabol nhu hinh v& Chiéu cao GH =4m , chiéu rong AB=4m ,
AC =BD =0,9m . Cha nha Iam hai canh cong khi dong lai 1a hinh chir nhat CDEF t6 dam gia
la 1200000 d¢ong/m?, con cac phan dé trang lam xién hoa c6 gia 1a 900000 ddng/m?.

G

C H, D

A B
Hoi tong chi phi dé 1 hai phan noi trén gan nhét véi sb tién nao dudi day?
A. 11445000(d6ng).  B. 7368000 (d6ng).  C. 4077000 (d¢ong).  D. 11370000 (ddng)
Lai giai
Chon A
Gan hé truc toa do Oxy sao cho AB trang Ox, A trang O khi d6 parabol cé dinh G(2;4) va

di qua gbc toa do.
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Cau 16:

Goi phuong trinh cua parabol 1a y = ax® +bx +c.

C;O a=-1
Dodbétacd {—=2 <b=4 .

2a c=0

2?a+2b+c=4 B

Nén phuong trinh parabol 13 y = f (X) = —x* + 4x.

32

4 3
Dién tich cua ca cong 1a S =I(—x2 +4x)dx =(—X?+ 2X2] = 3 ~10,67(m?).
0 0

Do vay chiéu cao CF = DE = f (0,9)=2,79(m).
CD=4-2.0,9=2,2(m).

Dién tich hai canh cong 1a S, =CD.CF =6,138~6,14(m?).

Dién tich phan xién hoa la S,, =S — Sy =10,67 —6,14 =~ 4,53(m?)..
Nén tién Ia hai canh cong xap xi la 6,14.1200000 = 7368000(d).

va tién 1am phan xién hoa xap xi la 4,53.900000 = 4077000(d).

Vay tong chi phi 1a xap xi 11445000 dong.

Ong Toan c¢6 mot manh dat hinh Elip c6 d¢ dai truc 1on béng 16 m va do dai truc nho 1la 10 m.

C)ng dé mot dai dat rong 8 mlam san, 16i di va dai dat nay nhan tryc bé cua Elip lam truc dbi

xtng dong thoi 6ng mudn trong hoa hai bén manh dét con lai. Biét kinh phi dé tréng hoa l1a

100.000 d6ng /m?. Hoi 6ng Toan can bao nhiéu tién dé trong hoa trén phan dat d6? ( két qua

dugc 1am tron dén hang nghin ).

A. 7.652.000 dong. B. 4.913.000 dong. C. 4.914.000 dong. D. 7.653.000 ddng.
Loi giai

Chon B

AU
N
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XZ y2
Gia su Elip c¢6 phuong trinh ? + F

=1,v6ia>b>0.

Tir gia thiét tacoé 2a=16=a=8 va 2b=10=b =5. Khi d6 Elip c6 phuong trinh:

5
2 2 y=§V64_X2 (E)
-
64 25 5
y=—264-% (E)

Manh dat tréng hoa nhén truc bé cua Elip lam truc ddi xtng, nén dién tich cia manh dat tréng
hoa bang bén ldn dién tich hinh phing giéi han béi cac duong (E,), truc Ox, duong thang
X=4;x=8

8
S= 4]2\/64—x2dx
4

bat x=8sint;te [%;%Jsuy ra dx =8costdt

boi can:

8
i
2

oy | &

N

7 >
Do d6: S = gI\/64—64sin2 t.8costdt =160j cos? tdt
5 5

80r

=80 (1+c052t)dt:T—20\/§ (m?)

N |y

Viy s6 tién ong An can dé trong hoa 1a: T = S.100000 ~ 4.913.000 dong.

Cau 17: Mot cong chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé 12 m . Nguoi ta cang
hai soi ddy trang tri AB, CD nam ngang dong thoi chia hinh gigi han béi Parabol va mit dét

thanh ba phan c¢6 dién tich bang nhau (xem hinh v& bén). Ti s6 % bang

18m

3

1422

D.

-
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Cau 18:

Chon C
Chon hé truc toa do Oxy nhu hinh vé.

12
Phuong trinh Parabol c6 dang y =ax* (P).

(P) di qua diém c6 toa do (~6;-18) suy ra:-18=a(-6)" < a=—=

Vay (P) c6 phuong trinh (P)= —% X2,

Tt hinh vé ta cé:ﬁ:ﬁ.
D x

Dién tich hinh phang gidi ban boi Parabol va duong thang AB:y = —% X 1a

s_zj{——x ( ﬂdx 2[—%.§+%xfxl

Dién tich hinh phang gii han boi Parabol va duong thang CD :y = —% X2 1a

:éxf.

X 3 M
sl=2j —lxz—(—lxgj dx = —l.x—+1x§x =
|72 2 2’3 277
~ AB x 1

NP 1
Tu gia thit suy ra S, =25, <> X5 = 2%, @%:i Vay C—D=X—2=%.
Mot sin choi cho tré em hinh chit nhat ¢ chiéu dai 100 m va chiéu rong 13 60 m ngudi ta lam
mot con duong nam trong san (tham khao hinh bén). Biét rang vién ngoai va vién trong cua con
duong 1a hai duong elip, elip cua dudng vién ngoai co truc 16n va truc bé 1an luot song song véi
cac canh hinh chir nhat va chiéu rong caa mat duong 1a 2 m. Kinh phi cho méi m? lam duong
600.000 d6ng. Tinh téng sb tién (1am tron dén hang nghin) lam con dudng do.
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Cau 19:

100m >

L

A. 294.053.000 ddng. B. 283.904.000 ddng. C. 293.804.000 ddng. D. 283.604.000 ddng.
Loi gidi

Chon A
Gan hé truc toa do Oxy : dit goc toa d6 O vao tdm cua hinh elip va hai truc toa d6 song song
vai cac canh cua hinh chir nhat.

2 2
+ Phuong trinh Elip ctia dudng vién ngodi cia con dudng la (El) 5);2 3):)2 =1. Phan d6 thi
2
cua (El) nam phia trén truc hoanh cé phwong trinh y = 30, /1_5)(7 = f,(x).
. 2 y2
+ Phuong trinh Elip ctia dudng vién trong cia con duong la (E,): yrarTd =1. Phan d06 thi
2
cua (E,) ndm phia trén truc hoanh c6 phuong trinh y =28 1—% = f,(x).
+Goi S, ladiéntich cua (E,) va S, ladién tich cua (E,).
Goi S ladién tich con duong Khi do
S=5S 2[ 30,/1— dx 2] 28‘/1——dx
Tinh tich phan 1 = 2j b, /1—%dx,(a,b eR").
bat x= asint,(—% <t< %j = dx =acostdt .
Pdicin x=—a=>t=-L:x=a=t=2
2 2
3
Khido | = Zj by/1-sin®t.acostdt _2abj cos’tdt = abj (1+cos2t)dt

NN

2 2

:ab(t+sm ZtJ 2
2 z
2

=abr .

a

Do doé S=S,-S, =50.30r -48.287 =156 .
Vay téng sb tién lam con dudng d6 1a 600000.S = 600000.156 ~ 294053000 ddng.
Mot bién canh bao c6 dang hinh elip voi bén dinh A, A, B, B, nhu hinh vé& dudi phan t6 dam

dugc son mau do chi phi 1a 150.000 dong trén mot mét vudng, phan con lai son mau trang chi
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Cau 20:

phi 1a 100.000 dong trén mdt mét vuong. Hoi so tién ( tinh theo dong) d€ son theo cach trén gan
nhét voi sb tién nao dudi day, biét AA, =10m, BB, =8m, va tir giac MNPQ 1a hinh chit nhat
c6 MQ=4m?

A. 9.243.000. B. 9.620.000. C. 7.330.000 D. 8.756.000.
Loi gidi
Chon A
XZ y2
Gia su phuong trinh elip(E):—2+b—2=1
a
. =10 =5
Theo gia thiét ta co: A% = 4 :
BB,=8  |b=4
x> y? 4
Suyra(E): =—=+2X-=1= y=+—-+25-%
y ( ) 25 16 y 5
L . . 2\ s M=dn(E) .
Dién tich cuaelip (E) 1a: S, = zab =20z(m*) ma MQ=4= V6i:
N =d (E)
diy=2= M(—#;Z),N(#;Z)

5
Khi d6 dién tich phan khong t6 mau la: S = 4 J' (g\/25— x? )dx = 2—3O7z—10\/§(m2)
53

2
Vay dién tich phan to mau la: S'=S, —S = 207 —2—?:)” +104/3 = 4—:;)7r +104/3(m?)
Nén tong chi phi dé son bién la

T =150000 x (%Oﬁ +10+/3) +100000 x (?;z —10+/3) ~ 9.243.000

Vay chon dap an  A.

Ong Toan c6 mot manh dat phang hinh elip c6 do dai truc 16n bang 16m va do dai truc bé bang
10m. Ong dé mot dai dat rong 8m lam séan, 16i di va dai dat nay nhan tryc bé cia elip lam truc
d6i xtmg (nhu hinh v&) dong thoi ong mudn trong hoa hai bén manh dat con lai. Biét kinh phi dé
trong hoa 14 100.000 ddng/1m?. Hoi 6ng Toan can bao nhiéu tién dé trong hoa trén dai dat d6?

(S6 tién duoc 1am tron dén hang nghin).
— e

Sm

i S
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Céu 21:

A. 7.652.000 dong.  B. 4.913.000 déng. C. 4.914.000 dong. D. 7.653.000 ddng.
Loi giai
Chon D

2 2

Gia st elip c6 phuong trinh X—2+§ =1,voi a>b>0.
a

Tir gia thiét tacé 2a=16—=a=8 va 2b=10=b =5

S [ 2
X2 yz y:_g 64_y2 (El)
Vay phuong trinh cua elip 1a a+—=1:>

25 5
y:§ 64_y2 (El)

Khi d6 dién tich dai vuon dugc gidi han boi cac duong (E,); (E,); x=—4; x=4 va di¢n tich
4 4
clia dai vuon 1a S = 2jgx/64—x2dx :gj\/64—x2dx
-4 0
3

Tinh tich phan nay bang phép d6i bién x =8sint, ta dugc S =80 (% + Tj

NG

Khidosdtiénla T = 80(% + TJ.lOOOOO =7652891,82 = 7.653.000 .

Ong A c6 mot cai cong hinh chit nhat, 16i vao cong cé dang parabol c6 kich thude nhu hinh vé.
Ong A cén trang tri bé mat (phan gach chéo) ctia cong. Ong A can bao nhiéu tién dé trang tri,
biét gia thanh trang tri 1a 1.200.000 dong /1m??

/////’/’-’ ////
¥, /
f"’////////,// #

A. 20 tri¢u dong. B. 16 triéu dong. C. 10tri¢u dong. D. 8 triéu dong.
Loi giai
Chon B
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0 \
— >

Chon hé truc toa do nhu hinh v&, khi d6 (P) c¢6 phuong trinh dang: y =ax’+b.
Khi d6: A(2,50)e(P)<0=a2,5"+b. (1)
B(0;5)(P) < 5=a0%+b (2)

Giai hé (1) va (2) ta duoc: a:—g;b:S hay (P):y:—gx2+5.

L 20 4 50
Khi d6 dién tich phan cong (P) la: S, = j [—gx2+5)dx:?.

-2,5
Suy ra dién tich phan can trang trf 1a: S,=5.6 —5—30 = 4?0 :
40

Vay s6 tién can dung dé trang tri 1a: T = 1.200.000*? =16.000.000 (dong).

Cau 22: Mot manh vuon hinh chit nhét ¢ chiéu dai 18m, chiéu rong 10m. Ngudi ta d6 & giita. Biét bé
day 16p bé tong 1a 10cm . Tinh thé tich luong bé tong can dung?

A T T MR l 3

A. 60m3, B. 6m°, C. 54m?3, D. 5,4m?®,
Loi giai

Chgn D
Ta c6 dién tich ctia hinh phang gidi han boi hai duong gidng nhau va luén chénh nhau mot doan

18
bing 3 bing j 3dx =3x|’ =54m”.
0
Vi bé day 1a 10cm = 0,1m nén thé tich lwvong bé tong can d6 vao 1a V = S.h=54.0,1=5,4m’
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Cau 23: Mot khudn vién dang nira hinh tron, trén d6 nguoi thiét ké phan dé trong hoa cé dang clia mot
canh hoa hinh parabol ¢ dinh tring véi tim va c6 truc d6i xting vudng goc véi dudng kinh cua
ntra hinh tron, hai ddu mut ciia canh hoa nam trén nira dudng tron (phéan td mau) va céch nhau
mot khoang bang 4m. Phin con lai cua khudn vién (phan khong t6 mau) danh dé trong co6 Nhat
Ban. Biét cac kich thuéc cho nhu hinh v&, chi phi dé trong hoa va co6 Nhat Ban tuong tng 1a
150.000 ddng/ m? va 100.000 dong/m?. Hoi s tién can dé trong hoa va trong co Nhat Ban trong
khuon vién d6 gan nhat v6i s6 ndo sau day?

4m

.
S

O L LTy

A. 3.739.000 (ddng). B.1.948.000 (ddng). C. 3.926.000 (ddng). D. 4.115.000 (ddng).

Loi giai
Chon A
Két hop vao hé truc toa do, ta duoc:
Y
y = a
y=v 20 — a2 I g —41?'1 / I
E i 4m
mn: !
-2 @] 2 €

Goi parabol 1a (P):y=ax’. Do F(2;4)e(P) nén (P):y=x".
Goi dudng tron c6 thm ¢ goe toa dd 1a (C): x> +y? =R*. Do F(2;4)e(C) nén nira duong tron

trénla y=+20-x*.
J5

it S, 1a dién tich phin 6 dam. Khi do: S, = 2. joz(\/zo X xz)dx — 20arcsin (?] +% .

bat S, 1a dién tich phﬁn khong t6 dam. Khi do: S, = %.E.Rz —S, =10z —20arcsin (?J —g :

Vay: S6 tién can dé trdng hoa va c6 Nhat Ban 1a: T =150000.S, +100000.S, ~ 3738574 (ddng).

CAu 24: Mot san choi cho tré em hinh chir nhat c6 chiéu dai 100m va chiéu rong 1a 60m ngudi ta 1am
mot con duong ndm trong san (nhw hinh vé&). Biét rang vién ngoai va vién trong ctia con duong
1a hai duong Elip, Elip ctia vién ngoai co truc 16n va tryc bé 1an lugt song song véi cac canh hinh
chit nhat va chiéu rong ciia mat dudng 1a 2m. Kinh phi cho mdi m? lam duong 1a 600.000
ddng. Tinh tong sd tién lam con dudng d6 (S6 tién dwge lam tron dén hang nghin)
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Cau 25:

A. 293904000 . B. 283604000 C. 293804000 . D. 283904000 .
Loi giai

Y
E

G

Chon A
Chon hé truc toa do va cac diém nhu hinh vé

2 2

Goi Elip vién ngoai c6 dang: (El) : % + é =1
Taco: 2a, =100 < a, =50 va 2b, =60 < b, =30.
Dién tich (E,) la: S, = 7ab, = 7.50.30 =15007 (m?).

Vi chiéu rong ctia mit duong 13 2m nén ta co:
CD=AB-AC-BD=100-2-2=96.
Va GP=EF-EG-PF =60-2-2=56.
2 2
Goi Elip vién trong c6 dang: (Ez) : —2+§ =1.
2 2

Taco: 2a, =96 < a, =48 va 2b, =56 < b, = 28.
Dién tich (E,) la: S, = 7a,h, = 7.48.28=13447(m’ ).

Khi dé dién tich mét dwong la: S =S, —S, =15007 —13447 =1567(m?).

Lay 7 ~ 3,14 ta duoc tong tién lam duong la: T = S.600.000 ~156.3,14.600.000 ~ 293904000

(dong).

Ong A da cai tao mot miéng dat thanh hinh elip. Elip nay c6 do dai tryc 16n & 12 mét. Trong
elip c6 mot duong tron di qua cac dinh trén tryc nho va cac tiéu diém F,, F, .Ong A mudn trong
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Cau 26:

¢6 May Man cho méanh dét 1a phan bén trong Elip va bén ngoai duong tron. Biét rang chi phi cho
viée trong c6 May Mién 14 60 nghin dong trén mot mét vudng. Hoi tong chi phi trong c6 May
Min gan nhét véi sb tién nao sau day?

Trong co Tréng co

A. 2811 nghin dong. B. 1405 nghin ddng.  C. 447 nghin ddng. D. 895 nghin ddng.
Loi giai
Chon B

4

Gién hé tryc toa d6 Oxy nhu hinh v&.

2 2

Phuong trinh elip X—2 + g—z =1 vo6i a>b >0 va phuong trinh dudng tron x* +y* = R?.
a

bJ dai tryc lon 1a 12 mét, suy ra a=6.

Vi duong tron di qua cac dinh trén tryc nho va tiéu diém cua elipnén b=c=R.
Dodo ¢? =a?—b? < 2¢? =a® < 262 =36 => ¢ =32

Tong chi phi dé trong c6 May Man 1a

6 2 32
T= 4.{3\/5 [ /1—;(—6 dx— [ V18-x° de.GOOOO ~1405 nghin ddng.
0 0

Mot cong ty quang cdo X mudn lam mot buc tranh trang tri hinh MNEIF ¢ chinh giira cia mot
burc tudng hinh chir nhat ABCD ¢6 chiéu cao BC = 6 m, chiéu dai CD = 12 m (hinh v& bén). Cho
biét MNEF 12 hinh chir nhat c6 MN =4 m, cung EIF c¢6 hinh dang 1a mét phan cta cung parabol
¢6 dinh I 1a trung diém cua canh AB va di qua hai diém C, D . Kinh phi lam bic tranh 1a 900.000

ddng/m?. Hoi cong ty X can bao nhiéu tién dé 1am buc tranh d6?
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Cau 27:

Bw e
‘q l .I—sa-‘n.--ﬂ-m B_q
Fasss = %’,
i e g
!f I=iE :- : 3 ?
-; - = : :
4 -P\ i
D c

Q-@ﬁm
A. 21200000 ddng. B. 20600000 dong.  C. 20800000 dong.  D. 20400000 dong.
Loi giai

Chon C
Lap hé toa d§ Oxy sao cho O trung vai I, tia Ox trung tia IB, tia Oy trung véi tia 1J (J 1a trung
diém CD). Khi dé, phuong trinh ctia parabol c6 dang y = ax?. Vi parabol di qua diém C(6; 6)

A 1 1,
néna==-=y==x".

6 6

2
S tién can st dung tinh boi cong thirc T = 900000j (6 —% ijdx = 20800000 .
-2

Mot hoa van trang tri duoc tao ra tir mot miéng bia mong hinh vudng canh bang 10 cm bang
cach khoét di bon phan bang nhau c¢6 hinh dang parabol nhu hinh bén. Biét AB = 5 cm, OH =
4¢m. Tinh dién tich bé mat hoa van do.

14, 140 160

A. 50 cm?. B. —cm’. C. —cm? D. —cm®.
3 3
Loi giai
Chon C
Chon hé toa @6 HAO trung véi hé toa dd Oxy. Khi d6 phuong trinh parabol c6 dang y = ax® + 4
. Vi parabol di qua diém A 5;0 —0-2asama-—L y:—Ex +4
2 4 25 25

5
: 201 14
Dién tich bé mat hoa van tinh bdi cong thire S =100— 8[(——6 x* + ) X = ?O .
0
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Cau 28: Ong T lam logo biang mot tim nhira phang, ¢ hinh dang 1a mot hinh truc déi xung. Biét dudng
vién hai bén 1 hai nhanh ctia mot pharabol va 16m phia dudi day ciing c6 dang 1a mot parabol,

hai nhanh phia trén 1a hai doan thang, nhu hinh bén duéi. Tinh dién tich ctia logo do.
6 dm

8 dm

X

|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|

—‘3 -1 0 1
Chon hé truc toa &6 Oxy nhu hinh vé&. Khi d6 nira bén phai truc tung 14 hinh phang ( H ) gi61 han
boi cac duong y=x" -1,y =x+5,y=—x*+1;x=0.
Dién tich hinh phang (H)

Sy = (x+5—(1—xz))dx+;f(x+5—(x2 —1))dx :%B(dmz)

O ey

Vay dién tich cAn tim 1a $ =25, = ?(dmz)

Cau 29: Ong An dy dinh 1am mét vuon hoa dang elip dugc chia ra lam bdn phén boi hai duong parabol
c6 chung dinh, d6i xting v&i nhau qua truc cda elip nhu hinh vé dudi. Biét dd dai truc 16n, truc
nho ciia elip 1an Iuot 1a 16m va 8m, F,, F, 14 hai tiéu diém cua elip. Phan A, B ding dé trong
hoa, phan C, D dung dé trong co. Kinh phi dé trong mdi mét vudng hoa va co lan luot 1a
200.000 va 100.000 dong. Tinh tong tién dé hoan thanh vuon hoa trén (Iam tron dén hang
nghin).

37 | Facebook tac gid: Phan Nhat Linh



Nguyén ham, tich phén va Ung dung

A. 17.679.000 dong. B. 19.526.000 déng. C. 19.526.000 déng. D. 13.547.000 dong.
Loi giai

Chon A

Chon hé truc toa do nhu hinh vé:

STy

Do dai cua truc 16n 1a 16m nén 2a=16 = a=8.

D0 dai cua truc bé 1a 8m nén 2b=8=b=4.
2 2

Vay (E): %+i’—6—1 Khi dé, c?=a’—b? =82 — 4> =48 = c = 4/3 .

Vay F,(443:0), Fl(—4J§;0)

Hon nira, dién tich elip 1a S =7ab =327

Xét phan elip nam o bén trén truc hoanh. Khi do
2 2 2 2 2 2
XY oY 0 X pegeli- X s y=a -2,
64 16 16 64 64 64

Vay (E,):y=4 (1—5}

Xét phan parabol nim & phia trén truc hoanh. Khi d6 vi parabol c6 dinh 1 gdc toa d nén
(P):y=ex* voi e=0.

Goi M 1a giao diém ciia duong thang x = 43 véi phén trén elip. Khi d6 M (4\/5 ; 2) thudc (P)

nén ta co e_i hay (P):y =

443
Dién tich phan A: S, 44/1———— dx=—=(47+~3).
1én tich phan J[/i 64 24] ( Vs \/_)

Khi d6 S, = (4;z+f)

Suy ra dién tich tréng cola 327 —%(47[ + \/é) = g7z —@,

3 3
Suy ra phan tién dé hoan thanh vuon hoa:
[3—327z - %Jmo 000 + §6(472' ++/3 ) 200.000 ~17.679.000 ddng.
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Cau 30: Mot khu cong vién hinh chir nhat c6 chiéu dai 1a 100m va chiéu rong 1a 60m . Ngudi ta lam mot
con dudng nam trong san (tham khao hinh duéi). BIét ring vién ngoai va vién trong ctia con
duong 13 hai dudng elip, dudng elip vién ngoai co truc 10n va truc bé 1an luot song song voi cac
canh hinh chir nhat, chiéu rong cua mat duong la 2m . Kinh phi cho mdi m? 1am duong la
600.000 ddng. Tinh tong sd tién (1am tron dén hang nghin) dé lam con duong do.
A.293.804.000 dong.  B. 283.604.000 dong. C.294.053.000 dong. D. 283.904.000 dong.

100m

O

Loi gial

Chgn C

Goti dién tich hinh elip phia ngoai c6 dién tich 1a S, khi do ta co:
- B¢ dai truc 16n la 2a, =100 < a, =50.

- B¢ dai truc nho la 2b, =60 < b, =30.

- Dién tich S, = 7a,b, =15007 (m?).

Goi dién tich hinh elip phia trong c6 dién tich 1a S, khi d0 ta co:
- B¢ dai truc 16n la 2a, =100-2.2=96 < a, =48.

- B¢ dai truc nho la 2b, =60-2.2=56 < b, =28 .

- Dién tich S, = 7a,b, =13447x (m*).

Vay di¢n tich con duong la: S=S§,-S, = 1567z(m2) .

Téng sb tién 1am dudng 13 T = 600.000S ~ 294.053.000 ddng.

Cau 31: Chuan bi don he 2021, nha bac Hoa moi tho vé 1am méi vom chéng ning cho khoang san trudc
nha bang loai nhya thdng minh polycacnonat mau trang trong véi don gia 1m® 13 655.000 dong.
Mai vom 1a mot phan ciia mat xung quanh cta mdt hinh tru pha kin san ¢6 chiéu dai 10m, khi
dat thude day vao 3 diém A B,C do duoc AB=2,8m;BC =3,6m; AC =6,2m (hinh minh
hoa bén dudi). Hoi sb tién (don vi dong, 1am tron dén hang nghin) mua mai nhya gan nhat voi
s6 nao dudi day?

A. 263514000 . B. 42387000. C. 40387000 . D. 4238700 .
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Goi R 1a ban kinh d4y cua hinh try.

Xét tam giéc ABC c6 s:Jp(p_a)(p—b)(p_c)zj_t:.
_ a+b+c _ 2,8+3,6+6,2 _6.3.
2 2
S =\/6,3(6,3—2,8)(6,3—3,6)(6,3—6,2)=«/5,9535
R abc 3,6.2,86,2 ~6.403 M.
4S  4./5,9535
s Az 1a 6403
Chu vi duong tron day 1a 27R = 2x.6,403 = 500 "

Goi H 1a trung diém cia AC tac6 OH L AC nén
AH 6,2 3100

sin AOH = = -
OA 2.6,403 6403

= AOC ~57,913°.

Viay goc & tam caa cung ABC ¢6 s6 do 57, 913°.

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 40



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cau 32:

Vi s6 do cua cung ABC bing % ~ 0,161 chu vi duong tron day nén dién tich mai vom la
57,913
360
Vay s6 tién mua tim nhya 1am mai vom 13 6,4712. 655000 = 4238636 (dong).

57,913

2nRh = . 21.6,403.10 ~ 6,4712m".

Bac An c6 san vuon hinh Elip d6 dai canh I6n la 2m va canh bé la ﬁm , bac xay ao ca la phan

t6 dam trong hinh v&, dudng vién bién cua ao ca trong san 1a mot duong Parabol. Phan khong
XAy ao c4, Bac An mua thém hoa vé tréng. Biét raing 1m? ao ca c6 gia 250000 dong va 1Im? trdng
hoa c6 gia 50000 ddng. Hoi bac An tén bao nhiéu tién dé hoan thanh khu vuon?

i

A. 257056,872 dong. B. 335633,2274 dong.
C. 725519,7457 dong. D. 362759,8728 dong.
Loi giai

Chon B

N

s : Xy 2 2 4-x
Phuong trinh Elip (E) la: 7+T=1:>X +12y° =4 . > y=1% o
3

.2 . 1 1
biém A va Be(E) suyra B(l;—EJ,A[—l;—Ej.
Gia st phuong trinh Parabol (P) la: y =ax® +bx+c.
Vi A B,Oe(P),suyra a:%l,bzo,c=0.
Vay (P):y:_?xz.

. PO 2 L i g —x° -1,
Xét phan hinh phang (H ) bi gi6i han boi duong y = - o y—?x , X=1,x=-1

Dién tich phan hinh phang (H) la:
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Cau 33:

- j{ zr}.x_

—X
6
Pat x =2sint véi te| —; 2
2 2

L 87 4

Khi do:
: : .
S=—1 £j4cos tdt——1 —3'[(1+c052t)dt=—1+£(t+ SIHZI] =—1+£ Z+£
36 ) 373 3 30 27 7)) 3 3|3 2
5 5 6
Dién tich ca san vuon la: S, = 7z.2.i =§ﬂ'
J3 3

Téng chi phi la: $.250000+(S 5, ~5).50000 = 335633, 2274 déng.

Mot céi thing dung dau c6 thiét dién ngang (mat trong cua thung) 1a mot duong elip co truc 16n
béng Im, truc bé béng 0,8m, chiéu dai (madt trong cua thung) béng 3m . DBuoc dat sao cho truc
bé nam theo phuong thang ding (nhu hinh bén). Biét chidu cao ciia dau hién c6 trong thung (tinh
tir day thung dén mat dau) 1a 0,6m . Tinh thé tich V ctia dau c6 trong thung (Két qua 1am tron

dén phan tram).

A. v =1,52m?3. B.v =131m3. C.v =127m?3. D.v =1,19m3.

Chon A
Chon hé truc toa do nhu hinh vé.

\ X
Theo dé bai ta ¢6 phuong trinh cua Elip la - +yT =1
4 25
Goi M, N lan Iuot 1a giao diém cua dau vai elip.
Goi S la dién tich cua Eliptacod S, = zab = n; E 7;

Goi s, ladién tich cta hinh phang giéi han béi Elip va dudng thang MN ( phan khdng bi gach
trong hinh).
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Theo dé bai chiéu cao cua dau hién c6 trong thing (tinh tir day thung dén miat dau) 12 0,6m nén

ta c6 phuong trinh ciia duong thang MN 13 y = 1

4 /1 . .
yT—l ta co yzg Z—XZ do d6 thi ham so & trén truc hoanh.

5

><

Mat khac tir phuong trinh

-l>\|—\
N

Do duong thang y _% cit Elip tai hai diém M, N c6 hoanh d6 lan luot 1a —£ va £ nén

B B
4 4
ZZI[E fl_xz_l}dxzﬂj -t
G 5V4 5 S_E 4
4 4
B
4 1. 1
Tinh | = I l—xzdx.Dat X==sInt,t e _Z;Z = dx ==costdt.
) \a S 22 2
4
. . -3 . . 3 ..
boi can: Khi x=—\/_ thi t=—2:Khi x=-—thit=2.
4 3
: :
Khi d6 I:Illcosztdt:lj(HcosZt)d 2z V3
272 84 3 2
3 3

Viy s, ~41(27 N3) ¥8_ 7 3
58 10 15 20

Thé tich cua dau trong thing la v =| Z -7 V3 3=1,52
5 15 20
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DANG 12 Ung dung tich phan vao bai toan chuyén déng

Céu 1;

Cau 2:

Cau 3:

Céu 4:

Cau 5:

Cau 6;

Mot chat diém A xuat phat tir O, chuyén dong thang véi van toc bién thién theo thoi gian boi

quy luat V (t)= %tz +§—Zt(m/s). Trong d6 t (gidy) 14 khoang thoi gian tinh tir lac bat dau

chuyén dong. Tur trang thai nghi, mot chit diém B ciing xuat phat tir O, chuyén dong thang
cung huéng v6i A nhung chim hon 3 gidy so véi A va co gia toc a(m/sz) (a 1a hing sd). Sau
khi B xuét phat dugc 12 gidy thi dudi kip A. Van tdc caa B tai thoi diém dudi kip A bang
A. 20(m/s). B. 16(m/s). C. 13(m/s). D. 15(m/s).

Mot 6 t6 dang chay vé&i van toc 10 m/ s thi ngudi lai xe dap phanh. Tir thoi diém do, 6 t6 chuyén
dong cham dan déu véi van tée V(t)=-2t+10 (m/s), trong d6 t 1a khoang thoi gian tinh bang
gidy, ké tir lac bat dau dap phanh. Quing duong 6 t6 di chuyén duoc trong 8 gidy cudi cing tinh
dén thoi diém ding banh 1a

A.16m. B. 55m. C. 25m. D.50m.

Mot vét chuyén dong véi gia toc a(t) =6t (m / sz). Van tbc tai thoi diém t =2 gidy la 17m/s
. Quang duong vat dé di duoc trong khoang thoi gian tir thoi diém t =4 gidy dén thoi diém
t =10 giay la:

A.1200m. B. 1014m. C. 966m. D. 36m.

Mot xe méy dang chay véi van tdc 10 m/ s thi nguoi lai dap phanh; tir thoi diém do, xe chuyén
dong cham dan déu véi vén toc V(t) =-2t+10, trong d6 t 1a khoang thoi gian tinh bang giay,
ké tir lac bat dau dap phanh. Hoi tir lac dap phanh dén khi dimg han, 6 t6 con di chuyén bao
nhiéu met?

A. 30m. B. 20m. C. 50m. D. 25m.

Mot vat chuyén dong voi gia tdc a(t) =6t m/s?. Van tdc clia vat tai thoi diém t =2 gidy 1A
17t m/s. Quang dudng vat d6 di duoc trong khoang thoi gian tir thoi diém t =4 gidy dén thoi
diém t =10 giay la.

A. 966 m. B. 36 m. C. 1200 m. D. 1014 m.

Mot xe 6 t6 sau khi cho hét dén do da bat dau chuyén dong véi van toc duoc biéu thi bang do thi
1a dudng cong parabol. Biét rang sau 5 phiit thi xe dat dén van téc cao nhat 1000 m/phut va bt
dau giam toc, di duoc 6 phit thi xe chuyén dong déu (tham khao hinh vé).

v(m)k

10004 === === =

Y — - - —————

[
[
|
|
|
i
[
|
:
(

Ul e = - o = = = = = =

O

-
(=]

10 t(phuat)
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Cau7:

Cau 8:

Cau 9:

Quang duong xe di duoc sau 10 phut dau tién ke tur khi hét dén do 1a bao nhiéu mét?

A. 8160 m. B. 8610 m. C. 10000 m. D. 8320 m.

Tai mot noi khdng cé gio, mot chiéc khinh khi ciu dang ding yén ¢ do cao 243 mét so voi mat
dat da duogc phi cong cai dit cho n6 ché do chuyén dong di xudng. Biét ring, khi cu da chuyén
dong theo phuong thang dtng voi vén tdc tuan theo quy luat v(t) =12t —t* trong d6 t tinh bang
phut 1a thoi gian tinh tr lac khinh khi ciu bat dau chuyén dong, V(t) duoc tinh theo don vi
mét/phit. Néu van tdc v ciia khinh khi cau khi tiép dat 1a v =x mét/phit thi gia tri cia x bang
bao nhiéu?

A. 15 mét/phat. B. 18 mét/phdt. C. 27 mét/phut. D. 48 mét/phut.

Mot vat chuyén dong véi ham s gia toc 1a a(t). Biét ring do thi ham s a(t) trén doan [0;6]

dugc cho nhu hinh dudi day va van tdc tai thoi diém t=0 la v(0)=1(m/s).

o}

(NG R
=% S
ki

Tai thoi diém t =6 gidy, van tc cla vat 1a bao nhiéu?

Loi giai
Pap an: v(6)=1+342 + 243 [m/slag i
Tir d thi ta c6 a(t) %t ost=2
u do thi ta co =
3;\5”3\52_\/5 ,2<t<6
Ma v(0)=1(m/s) nén v(t)=[a(t)dt= gtzﬂ 0<t<2
_ _ ﬁ;ﬁt2+3ﬁ2_¢§t+c 2<t<6

Vi van toc 1a ham s6 lién tuc nén

limv(t)= Iimv(t)<:>\/§+1:\/§_\/§+3\/§—\/§+c @C:%.

t—2" x—2* 2

Do d6 v(6)=1+3v2+23 (m/s).

Mot chiéc may bay vao vi tri cit canh chuyén dong trén duong biang véi van tdc
vt =t?+2t m/s véit la thoi gian dugc tinh theo don vi gidy ké tir khi may bay bat dau
chuyén dong. Biét khi may bay dat van t5c120 m/s thi n6 roi dudng bang. Quing dudng may
bay d di chuyén trén dudng bang gan nhét véi gia tri nao dudi day?

A 1200(m). B. 1100(m). C. 430(m). D. 330(m).
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Cau 10:

Céu 11;

Cau 12:;

Cau 13:

Cau 14:

Cau 15:

Mot xe 6 to sau khi cho hét dén do da bat dau chuyén dong véi van toc dugc biéu thi bang db thi
1a dudng cong Parabol. Biét rang sau 5 phut thi xe dat dén van tdc cao nhat 1000 m/phut va bat
dau giam tdc, di duge 6 phut thi xe chuyén dong déu (hinh vé).
v(m)
A
10007-—~~~ /‘!\
A
VAR I
/ Lo :
/ o :
© 5 6 10 ¢ omin
Hoi quang duong xe da di dugc trong 10 phut dau tién ké tir lic bat dau 1a bao nhiéu mét?
A 8160(m). B. 8610(m). C. 10000(m). D. 8320(m).
Mot 6 to dang chay v6i van toc 15 (m/ S) thi ting toc chuyén dong nhanh dan véi gia tdc
a=3t-8(m/s’), trong do t 1a khoang thoi gian tinh bing gidy ké tir lic ting vant5 C. Hoi
sau 10 gidy ting vén tdc 6 t6 di duoc bao nhiéu mét?
A. 150. B. 180. C. 246. D. 250.

Mot chat diém A xudt phat tir O, chuyén dong thang vé&i van tdc bién thién theo thoi gian baoi

quy luat V (t) = %tz +§—2t(m/s). Trong d6 t (gidy) 1a khoang thoi gian tinh tir lac bat dau

chuyén dong. T trang thai nghi, mot chat diém B ciing xuat phat tir O, chuyén dong thang
cung hudng v6i A nhung cham hon 3 gidy so voi A va co gia toe a(m/sz) (a 1ahang sb). Sau
khi B xuét phat dugc 12 gidy thi dudi kip A. Van toc cua B tai thoi diém dudi kip A bang
A. 20(m/s). B. 16(m/s). C. 13(mfs). D. 15(m/s).

Mot 6 t6 dang chay voi van tée 10 m/ s thi ngudi 14i xe dap phanh. Tir thoi diém dé, 6 t6 chuyén
dong cham dan déu véi van toe V(t) =—2t+10 (m/s), trong d6 t 1a khoang thoi gian tinh bang
gidy, ké tir lc bat dau dap phanh. Quang dudng 6 to di chuyén dugc trong 8 gidy cudi cung tinh
dén thoi diém ding banh 1a

A.16m. B. 55m. C. 25m. D. 50m.

Mot vét chuyén dong véi gia toc a(t) =6t (m / sz). Van tbc tai thoi diém t =2 gidy la 17m/s
. Quéng dudng vat d6 di duoc trong khoang thoi gian tir thoi diém t =4 gidy dén thoi diém
t =10 giay la:

A.1200m. B. 1014m. C. 966m. D. 36m.

Mot chiéc xe dua F, dat t6i van toc 16n nhat 1a 360km/h . Do thi bén biéu thi van téc v clia xe
trong 5 gidy dau tién ké tir lac xuat phat. Do thi trong 2 gidy dAu tién 1a mot phan cia parabol
dinh tai gdc toa 46 O, gidy tiép theo 1 doan thang va sau dung 3 gidy thi xe dat van tdc 16n
nhat. Biét réng mdi don vi truc hoanh biéu thi 1 gidy, mdi don vi truc tung biéu thi 10m/s va
trong 5 gidy dau xe chuyén dong theo duong thang. Hoi trong 5 gidy d6 xe da di duoc quing
duong 1a bao nhiéu?
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A. 340 (mét). B. 420 (mét). C. 400 (mét). D. 320 (mét).
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Cau 1:

Cau 2:

Cau 3:

HUONG DAN GIAI CHI TIET

Mot chit diém A xuét phat tir O, chuyén dong thang voi van tdc bién thién theo thoi gian boi
quy luat V (t)= %tz +§—Zt(m/s). Trong d6 t (gidy) 14 khoang thoi gian tinh tir lac bat dau
chuyén dong. Tur trang thai nghi, mot chit diém B ciing xuat phat tir O, chuyén dong thang
cung huéng v6i A nhung chim hon 3 gidy so véi A va co gia toc a(m/sz) (a 14 hing sd). Sau

khi B xuét phat dugc 12 gidy thi dudi kip A. Van tdc caa B tai thoi diém dudi kip A bang

A. 20(m/s). B. 16(m/s). C. 13(mifs). D. 15(m/s).
Loi gidi
Chon B
o , 201 59
Quang dudng chat diém A ditr O dénlac gdp B la: S, =J.[Et2 +%t]dt =96(m).
0

Van toc cua chat diém B 1a: V, (t)=Iadt=at+C.
Tai thoi diém t=0=V, =0=C=0=V,(t)=at.

12 2 12
Quéng dudng chat diém B ditir O dénluc gip A la: S, = I(at)dt = (%] =72a(m).

0

0
Khi A va B gip nhau quang duong di dugc la nhu nhau, ta co:

4
S, =S, < 72a=96<a=—(mis?).
=S, =72a=96<a 3(ms)
Van téc cua B khi dudi kip A la: V, (t)=%t,vc’yi t=12 =V, (12)=16(m/s).

Mot 6 t6 dang chay vé6i van tc 10 m/ s thi ngudi 1ai xe dap phanh. Tir thoi diém do, 6 t6 chuyén
dong cham dan déu véi van téc V(t)=—2t+10 (m/s), trong d6 t 1a khoang thoi gian tinh bang
gidy, ké tir lac bat dau dap phanh. Quing duong 6 t6 di chuyén duoc trong 8 gidy cudi cing tinh
dén thoi diém dimg banh 1a
A.16m. B. 55m. C. 25m. D. 50m.

Loi giai
Chon D
Khi 6 t6 dung banh, ta c6: V=0 < -2t+10=0<t=5.
Do d6, ta c6 quing dudng xe di duoc trong 8 gidy cudi cung (3 gidy di véi van tbc 10 m/s, 5

gidy sau khi dap phanh) la:

5
$ =3.10+ [(-2t +10)dt =30+(~t* +10t)| =30-57 +10.5 =55 (m).
0

Mot vat chuyén dong véi gia toe a(t) =6t (m / sz). Van tbc tai thoi diém t =2 gidy la 17m/s

. Quing dudng vat d6 di dugc trong khoang thoi gian tir thoi diém t =4 gidy dén thoi diém

t =10 giay la:

A. 1200m. B. 1014m. C. 966m. D. 36m.
Loi gidi

Chgn C
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Cau 4:

Céau 5:

Cau 6:

Taco v=[a(t)dt=[6tdt=3t*+C.
Theo gid thiét ta v(2)=17 = 3.2 +C =17=C =5. Suy ra v(t) =3t*+5.

Quing duong vat d6 di duoc trong khoang thoi gian tir thoi diém t = 4 gidy dén thoi diém t =10
10 10
gidy 1a; s= Iv(t)dt = J'(3t2 +5)dt = (t° +5t)‘

4 4

10
4

=966m.

Mot xe may dang chay véi van téc 10 m/'s thi ngudi 14i dap phanh; tir thoi diém d6, xe chuyén
dong cham dan déu véi van toc V(t) =-2t+10, trong d6 t 1a khoang thoi gian tinh bang gidy,
ké tir lic bat dau dap phanh. Hoi tir lic dap phanh dén khi dimg han, 6 t6 con di chuyén bao
nhiéu mét?
A. 30m. B. 20m. C. 50m. D. 25m.
Loi giai
Chon D
Xét phuong trinh —2t +10 =0 <> t =5. Do vy, ké tir lic ngudi 1ai dap phanh thi sau 5s 0 t0
dirng han.
Quéng duong xe may di dugc ké tir luc ngudi 14i dap phanh dén khi xe may ding han 1a
5
5
s=|(-2t+10)dt =(-t*+10t)| =25m.
f(-2ta0)au= (-1t
Mot vat chuyén dong voi gia tdc a(t) — 6t m/s®. Van tbc cla vat tai thoi diém t =2 giay la
17t m/s. Quang dudng vat d6 di duoc trong khoang thoi gian tir thoi diém t =4 gidy dén thoi
diém t =10 giay la.
A. 966 m. B. 36 m. C. 1200 m. D. 1014 m.
Loi giai
Chon A

Tir gia thiét suy ra V'(t) =a(t) = v(t)=[a(t)dt = [6tdt =3t>+C.
Mit khac v(2)=17 nén 3.2 +C =17=C =5.Do d6 v(t)=3t> +5.
Quiéng duong vat d6 di duoc trong khoang thoi gian tir thoi diém t = 4 gidy dén thoi diém t =10

giay la
10 10 10

s=[v(t)dt= I(3t2+5)dt=(t3+5t)‘4 1050 -84 = 966 m.
4 4

Mot xe 6 to sau khi chd hét dén d6 da bat dau chuyén dong véi van tdc duogc biéu thi béng dd thi
1a duong cong parabol. Biét rang sau 5 phut thi xe dat dén vén téc cao nhat 1000 m/phut va bat
dau giam tdc, di duoc 6 phut thi xe chuyén dong déu (tham khao hinh vé).
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Cau7:

v(m)k
1000 ¢ ------=

I

'y |

I 1 |

I | |

| 1 I

I | 1

I I I

I | I

I | |

. .

O 5 6 10 t(phat)
Quing dudng xe di duoc sau 10 phut du tién ké tir khi hét dén do 1a bao nhiéu mét?
A. 8160 m. B. 8610 m. C. 10000 m. D. 8320 m.
Loi giai

Chon A

at’ +bt+ckhi0<t<6

Phuong trinh van toc cta 6 t0 1a: v(t) = ) .
v(6) khi 6 <t <10

Trong khoang thoi gian 6 phat dau do thi ctia van toc 13 mot dudng parabol di qua diém (0 ; O) :
(5;1000) va c6 hoanh do dinh bang 5, do do:

°=0 c=0 A= 40t? + 400t khi 0<t <6
25a+5b+¢=1000 < <5a+b =200 < <b =400 :>v(t)= R " I S
960 khi 6 <t <10
_1_5 10a+b=0 c=0
2a
Vay quing duong 6 t6 di dugc trong 10 phut dau 1a:

10 6

S = [v(t)dt=[(-40t +400t)dt+1j0960dt =8160m.
0 0 6

Tai moQt noi khong c6 gid, mét chiéc khinh khi ciu dang ding yén ¢ d) cao 243 mét so vdi mat
dat da duogc phi cong cai dit cho n6 ché do chuyén dong di xudng. Biét rang, khi cdu da chuyén
dong theo phuong thang ding voi van tdc tuan theo quy luat v(t) =12t —t* trong d6 t tinh bang
phit 1a thoi gian tinh tir lac khinh khi ciu bit diu chuyén dong, v(t) dugc tinh theo don vi
mét/phit. Néu van tdc v ciia khinh khi cau khi tiép dat 1a v =x mét/phit thi gia tri cia X bang
bao nhiéu?
A. 15 mét/phat. B. 18 mét/phut. C. 27 mét/phut. D. 48 mét/phut.

Loi giai
Chon C
Goi thoi diém khinh khi cdu bat dau chuyén dong 1a t =0, thdi diém khinh khi cau bat dau tiép
datla t,.
Quiéng dudng khinh khi ciu da di chuyén duoc tir lic chuyén dong toi khi tiép dét 1a

| . t, = 5,56
[a2t-t)dt =243 -5 4612 -243-0.>| 1, ~14,56
0 3 tl_g

Viv(t) 20 0<t<12 nént =9.
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Van tdc ctia khinh khi cau luc tiép dat 1a: v(9) =27 mét/phat.

Cau8: Mot vat chuyén dong voi ham sb gia toe 1a a(t). Biét rang d6 thi ham s a(t) trén doan [0; 6]
dugc cho nhu hinh duéi day va van tdc tai thoi diém t=0 la v(0)=1(m/s).

Y

B3

Pt — = — — —
b —_——_— -

o}

Tai thoi diém t =6 gidy, van toc ctia vat Ia bao nhiéu?

Loi giai
Dap an: v(6) =1+3v2 +23 :
Tir d th ta c6 a(t) %t 0<t<2
u do thi ta co =
| 3;\5”3\52_\/5 ,2<t<6
Ma v(0)=1(m/s) nén v(t)—ja(t)dt_ gtzﬂ 0<t<?2
_ _ ﬁ;ﬁt2+3ﬁ2_¢§t+c 2<t<6

Vi van tdc 1a ham sd lién tuc nén
*/5;/5+3\/§—\/§+c &C =—*/§_32‘/§+2 .
Do d6 v(6)=1+3J2+243 (m/s).

lim v(t)= lim v(t) &2 +1=

Cau9: Mot chiéc may bay vao vi tri cdt canh chuyén dong trén duong bing véi van tdc
vVt =t?+2t m/s voit la thoi gian dugc tinh theo don vi gidy ké tir khi may bay bat dau
chuyén dong. Biét khi may bay dat van toc120 m/s thi nd roi dudng bang. Quing duong may
bay d di chuyén trén dudng bang gan nhét véi gia tri ndo dudi day?

A 1200(m). B. 1100(m). C. 430(m). D. 330(m).
Loi giai
Chgn C
Gia str t>0 1a thoi gian may bay di chuyén trén dudng bang. Ta ¢ phuong trinh:
t? +2t—120 =0<t=10 s do t>0. Quing duong may bay di chuyén trén duong bang la

10
S:f t? 4+ 2t dtzg m . Suy ra dap an dungC.
0

Cau 10: Mot xe 6 t6 sau khi chd hét dén do da bat dau chuyén dong véi van toc duoc biéu thi bang do thi
1a dudng cong Parabol. Biét rang sau 5 pht thi xe dat dén van tdc cao nhat 1000 m/phut va bét
dau giam tdc, di duge 6 phut thi xe chuyén dong déu (hinh vé).
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10007~~~ /-v\

,"/ i

.-'f

D.

I

I [
| 1
| 1
| 1
i |
| i
| |
4

6 10 ¢ (phat)

wh

Hoi quing dudng xe di di duoc trong 10 phit dau tién ké tir luc bat dau 1a bao nhiéu mét?
A 8160(m). B. 8610(m). C. 10000(m). D. 8320(m).
Loi gidi
Chon A
Gia sir trong 5 phiit dau van tbc ciia 6 to duge biéu dién boi phuong trinh v(t)=at’ +bt+c.
Theo gia thiét ta co:
c=0

] 10a+b=0 a=-40
;—=5 < <{25a+5b=1000 < {b =400 :>v(t)=—40t2+400t.
a

25a +5b+¢ =1000

Khi t=6 taco v(6)=960 m/phut. Suy ra trong 10 phut dau xe 6 td chuyén dong dugc quing

duong la S = [(—40t* +400t)dt +960.4 = 4320 +3840 =8160 (m).

Cau 11: Mot 6 to dang chay voi van toc 15 (m/ S) thi ting toc chuyén dong nhanh dan véi gia tdc
a=3t-8 (m /s’ ) , trong do6 t 1 khoang thoi gian tinh bang gidy ké tir luc ting van t6 C. Hoi
sau 10 gidy tang vén toc 6 t6 di duoc bao nhiéu mét?

A. 150. B. 180. C. 246. D. 250.
Loi gidi
Chon D

Taco: v(t)=[a(t)dt=[(3t-8)dt = %2—8t+C.

Van toc khi 6 t6 bt dau ting toc la 15m/s: v(0)=15< C =15.
A A A 3t?
Van toc cua 0t l1a v(t)=7—8t+15.

Quing dudng 6 t6 di duoc sau 10 gidy ké tir luc bat dau tang toc 1a

1jov(t)dt :T(%‘& +15Jdt =250(m).

0 0

Cau 12: Mot chat diém A xuat phat tir O, chuyén dong thang v6i van toc bién thién theo thdi gian boi
quy luat V (t)= %tz +§—2t(m/s) . Trong d6 t (gidy) 14 khoang thoi gian tinh tir luc bat dau
chuyén dong. T trang thai nghi, mot chit diém B ciing xuat phat tir O, chuyén dong thang
cling huéng véi A nhung cham hon 3 gidy so véi A va c6 gia toc a(m/sz) (a 1a hang s6). Sau

khi B xuat phat dugc 12 gidy thi dudi kip A. Van toc ciia B tai thoi diém dudi kip A bang
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Céu 13:

Cau 14:

Cau 15:

A. 20(m/s). B. 16(m/s). C. 13(mfs). D. 15(m/s).
Loi giai
Chon B

15
Quing dudng chit diém A ditr O dén luc gip B Ia: Slzj.[%t2+%t]dt:96(m).

0

Van toc ciia chat diém B 1a: V, (t)= Iadt =at+C.

Tai thoi diém t=0=V, =0=C =0=V,(t)=at.
) , . 12 at2 12
Quéng duong chat diém B ditr O dénluc gip A la: S, = I(at)dt = (7] =72a(m).

0

0
Khi A va B gip nhau quang duong di dugc la nhu nhau, ta co:

4
81=82c>72a=96<:>a=§(m/52).
Van tbc cia B khi dudikip A 1a: v, (t)=%t,vc’yi t=12 =V, (12)=16(m/s).

Mot 6 t6 dang chay véi van tdc 10 m/ s thi nguoi 141 xe dap phanh. Tu thot diém do, 6 to chuyén
dong cham dan déu véi van tdc V(t) =-2t+10 (m / S) , trong d6 t 1a khoang thoi gian tinh bang
gidy, ké tir luc bat dau dap phanh. Quéang dudng 6 t6 di chuyén duoc trong 8 gidy cudi cing tinh
dén thoi diém ding banh 1a
A.16m. B. 55m. C. 25m. D. 50m.

Loi giai
Chon D
Khi 6 t6 dung banh, ta c6: V=0 < -2t+10=0<t=5.
Do d6, ta ¢6 quing dudng xe di dugc trong 8 gidy cudi ciing (3 gidy di voi van téc 10 m/s, 5
gidy sau khi dap phanh) la:

5
$ =3.10+ (-2t +10)dt =30+ (-’ +10t)‘z =30-5°+10.5 =55 (m).
0

Mot vét chuyén dong véi gia toc a(t)= 6t (m / sz). Van tbc tai thoi diém t =2 gidy la 17m/s

. Quing dudng vat d6 di dugc trong khoang thoi gian tir thoi diém t =4 gidy dén thoi diém

t =10 giay la:

A. 1200m. B. 1014m. C. 966m. D. 36m.
Loi giai

Chgn C

Taco v=[a(t)dt=[6tdt=3t*+C.
Theo gia thiét ta v(2)=17=3.2?+C =17=C =5.Suyra v(t)=3t’+5.

Quiéng duong vat d6 di dugc trong khoang thoi gian tir thoi diém t = 4 gidy dén thoi diém t =10
10 10
gidy 1a: s= J.v(t)dt = J'(St2 +5)dt = (t° +5t)‘

4 4

10
4

=966m.

Mot chiéc xe dua F, dat t6i van toc 16n nhat 1a 360km/h . Do thi bén biéu thi van téc v clia xe

trong 5 gidy dau tién ké tir luc xuat phat. DO thi trong 2 gidy dau tién 1a mot phan cta parabol
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dinh tai gdc toa o O, gidy tiép theo 14 doan thing va sau dung 3 gidy thi xe dat van toc 16n
nhat. Biét raing mdi don vi truc hoanh biéu thi 1 gidy, mdi don vi truc tung biéu thi 10m/s va
trong 5 gidy dau xe chuyén dong theo duong thang. Hoi trong 5 gidy d6 xe di di duoc quing
duong 1a bao nhiéu?

7 T

A. 340 (mét). B. 420 (met). C. 400 (mét). D. 320 (met).
Loi giai

Chon D

Giasu A(2;6); B(3;10)

O fmmm e e e e e e e e e e e e e e e —————

PO YR S S e i —

Theo gt thi phuong trinh ctia parabol 1a y = g x?; phuong trinh duong thing AB 14 y =4x—2
Vay trong 5 gidy do xe da di dugc quang duong la:

2 3
S =1o(jgx2dx+j(4x—2)dx+ 2.10} =320 (mét).
0 2
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Tich phan trong de thi ciia BGD&DT

Cau 1:

Cau 2:

Cau 3:

Céu 4:

Cau 5:

Céau 6:

Cau7:

Cau 8:

T

Cho ham s6 f(x).Biét f(0)=4 va f'(x)=2cos’ x+1, Vxe R, khi do Tf(x)dx bing
0

7t +4 B 7°+14rx c 7t +167+4 b 72 +167+16
16 ' 16 ' 16 ' ' 16 '

1

xadx . . . :
Cho =a+blIn2+cIn3 véi a,b,c 1a cac s6 hitu ty. Gia tri cia 3a+b+C bang
(x+2)2
0

A 2. B. -1. C. 2. D. 1.

f (2sin x+1)cos xdx

O v [N

. x* =1 khi x>2 .
Cho ham sb f(X): , ) . Tich phén bang
X“—2x+3 khi x<2
A.é. B.é. C.g. D.E.
3 6 6 3
4 dx \/— \/—
Biét dx=+va—-+b—-c véi ab,c 1a cic sé nguyén dwong. Tinh
'!-(x+1)\&+x\/x+1
P=a+b+c
A P=24 B. P=12 C. P=18 D. P=46
1
dx 1+e .
Cho [———=a+bIn="=,véi &, P 1acdc s6 hi ti. Tinh S =a°+b",
e +1 2
A S=2, B.S=-2. C.S=0. D. S=1.

Tinh tich phan | = Icos3 X.sin xdx.
0

A |=—%7Z’4 B. | =—7". C.1=0. p.1=-1.
Cho ham s6 f(X): - . Ho tat ca cac nguyén ham cua ham s6 g(X):(X+1) f'(x) la
X“+4
2 2
— X“+2x-4 2X°+Xx+4
A4 e, B X% o o XEXfic p 2 IXEic

20X +4 20X +4 2UX2+4 2UX2+4

1

Cho ham sb f(x) c6 dao ham lién tyc trén R . Biét f(3)=1 va jxf (3x)dx =1, khi dé
0

3

J.xzf'(x)dx bang

0

A. 3. B. 7. C. 9. D. —.
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Cau 9:

Céu 10:

Céu 11;

Céu 12:

Cau 13:

Cau 14:

Céu 15:

Cau 16:

1
Cho ham s6 f(x) c6 dao ham lién tyc trén R . Biét f(6)=1 va jxf (6x)dx =1, khi dé
0

6
szf’(x)dx bang

0

A. g B. 34. C. 24, D. -36.
Chohamsd f (X) théa man f(2)=—% va f'(X)=X3[f (X):l2 voimoi xeR. Giatricua f (1)
bang
_4 g _/1 c . p. 2
35 20 20 5
¢ dx
Biét | =J- ——=aln2+bIn3+cIn5, véi a,b,c lacac sé nguyén. Tinh S=a+b+c.
2 X2+ X
A S=6. B.S=2. C.S=-2. D. S=0.

Chohamsé f(x) c6 f(0)=0va f'(x)=cosx.cos’2x,VxeR . Khido If(x)dx bing
0

ey B, 28 c. 22 p. 149,
225 225 225 225
8
. X 8
Chohamsé f(X) c6 f(3)=3 va f'(X)=————F—— v6i x>0.Khidé | f (x)dx bang
(x) o 1 (3 W= 10

AT, g. 97, c.® p, 181
6 2 6

1
Cho ham s6 f(X) c6 dao ham lién tuc trén R . Biét f(5)=1va [xf(5x)dx=1, khi d¢
0

5
J.xzf'(x)dx bang
0

A 15, B. 23. c. 128 D. -25.

5

1
Cho ham sb f(X) c6 dao ham lién tuc trén R . Biét f(4)=1 va IXf (4x)dx =1, khi do
0

4
szf’(x)dx bang
0

A 3t B. -16. C.8. D. 14.

2
1
Cho ham s f(x) théa man I(X+1) f'(x)dX:lo va 21 (1)~
0

A I =-12 B.1=8 C.1=1 D.1=-8

f(O)ZZ.Tinhj.f(x)dx.
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Cau 17: Cho ham sb f (x) lién tuc trén R va thoa man f (x)+ f (—x)=+/2+2cos2x ,VxeR. Tinh

3z
2

| = L f (x)dx.

A l=-6 B.1=0 C.l=-2 D.1=6

Cau 18: Cho ham sé f(x) lién tuc trén R thoa xf(x®)+ f(1—x*)=—x"4+x*—2x,Vx€R . Khi dé
0
j f (X)dX bing
-1

17 13 17

A - B. —— C.=—. D. -1.
20 4 4
Cau19: Chohamsé f(x) thoa man f(2)=—§ va f'(x)=2x[ f(x)] véimoi xeR.Gidtricua f (1)
bang.
A D B. 2 c. 2 D. -2
36 3 36 15

Cau20: Chohamsé y = f(x). D4 thi caa ham s6 y = f'(X) nhu hinh bén. Dat g(x)=2f (x)—(x+1)2.
Ménh dé nao dudi day dang?

YA

NS —

¥=

)
—_ e — — —
W ———— ==

A.9(-3)>9(3)>9(1) B. 9(1)>9(-3)>9(3)
C. 9(3)>9(-3)>9(1) D. 9(1)>9(3)>9(-3)

Cau 21: Cho duong thang y—gx va parabol y = x> +a ( a latham s6 thyc duong). Goi S,vas, lan luot

la dién tich cua 2 hinh phang dugc gach chéo trong hinh v& bén. Khi S, =S, thi a thudc khoang

nao sau day
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y1 3

N

v

X

B B oY el

Cau22: Choduodngthiang y=3x vaparabol y=2x?+a ( a latham sé thuc duong). Goi S, va S, lan luot

la dién tich cua 2 hinh phéng duoc gach chéo trong hinh v& bén. Khi S, =S, thi a thugc khoang

nao duoi day?

/
S Y

Cau 23: Cho hai ham s6 f(x)=ax’+bx*+cx—2 va g(x)=dx*+ex+2 (a, b, c, d, eeR). Biét

rang d0 thj ctia ham sb y = f (x) va y = g(X) cét nhau tai ba diém c6 hoanh d lan lugt la —2;
—1; 1 (tham khao hinh v§).
YA

Hinh phang gidi han boi hai d6 thi di cho c6 dién tich bang

N 8. 2. c.2. p.
6 2 2 12
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Cau 24: Cho hai ham s6 f(x)=ax3+bx2+cx—% va g(x)=dx’+ex+1 (a,b,c,d,ecR). Biét rang do

thi ham s6 y = f (x) va y =g(x) cdt nhau tai 3 diém c6 hoanh do lan lugt 1a -3; —1; 1. Hinh
phang gidi han boi 2 @6 thi di cho co dién tich bang

VA

/
___H\
=Y

A.

N | ©

B.8 C. 4 D.5

Cau 25: Cho hinh thang cong (H ) gi6i han boi cdc dudng y=e*, y=0, x=0, x=In4. Dudng thing

x=k (0<k <In4) chia (H) thanh hai phan c6 dién tich 1a S, va S, nhu hinh v& bén. Tim k dé
S, =25,.

P

/ S,
X

(@] k In4

2 8
A k==In4. B. k=In2. C.k=In= D. k=1In3.

3 3
Tinh dién tich hinh phang gidi han boi dd thi ham s6 y = x* — X va d6 thi ham s6 y = x — X%,
A B. 2 c. B D. 13

12 4 12

Cho ham sé bac ba y = f (x) c6 dd thi la duong cong trong hinh v& bén. Biét ham s6 f (x) dat cuc

tri tai hai diém X, X, théaman X, =X +2 va f(x )+ f(x,)=0.Goi S, va S, 1a dién tich ciia hai

hinh phang dugc gach trong hinh bén. Ti s6 % bang

2
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yh

5

A D.

Alw

B. E C.
8

o w
ol w

Cau 28: Cho duong thing Y =X va Parabol y = % x> +a (@ 1a tham sb thuc duong). Goi S; va S, 1an luot

1a dién tich ctia hai hinh phing dugc gach chéo trong hinh v& bén. Khi S; =S, thi @ thuc khoang
nao sau day?

Ay
SQ y=2=
Sl 1
y=§x2+a
T Ll
@) x

ST R

Cau29: Cho hai ham sé f(x):ax3+bx2+cx+% va g(x):dx2+ex—%, (a,b,c,d,eeR).Biétring dd

thi ciaham s6 y = f (x) va y =g(x) cit nhau tai ba diém c6 hoanh d¢ lan lugt 1a —2; 1; 3. Hinh

phing gidi han boi hai d6 thi di cho c6 dién tich bang
YA

a 259 5, 125

. p. 23
48 24

24

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 6



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cau 30: Cho hai ham s6 f(x)=ax’+bx*+cx—1 va g(x)=dx? +ex+% (a,b,c,d,eeR). Biét ring do
thi cia ham sé y = f(x) va y = g(X) cit nhau tai ba diém c6 hoanh d6 lan luot —3;-1;2.

YA

3 N\/ ) x

Hinh phang gii han boi hai do thi di cho c6 dién tich bang
A 5. 15 c. 23 p, 125
12 12 48 48

Cau 31: Ong An c6 mot manh vuon hinh Elip c6 do dai truc I6n bang 16m va do6 dai truc bé bang10m . Ong
mudn tréng hoa trén mot dai dat rong 8M va nhan truc bé cua elip 1am truc ddi xémg (nhu hinh v§).
Biét kinh phi dé trong hoa la 100.000 dong/1m?. Hoi 6ng An can bao nhiéu tién dé trong hoa trén
dai dat do? (S6 tién duogc 1am tron dén hang nghin.)
/\

8m

\/

A. 7.862.000 ddng B. 7.653.000 ddng  C. 7.128.000 déng  D. 7.826.000 dong
Cau 32: Mot bién quang céo c6 dang hinh elip voi bén dinh A, A,, B, B, nhu hinh vé& bén. Biét chi phi dé

son phan t6 dam 1a 200.000 ddng/ m* va phan con lai 1a 100.000 déng/ m? . Hoi s tién dé son theo

cach trén gan nhat véi sb tién nao dudi day, biét AA, =8m, BB, =6m va tir giac MNPQ la hinh

chir nhat c6 MQ =3m.

A. 7322000 ddng. B. 7213000 déng.  C. 5526000 ddng.  D. 5782000 dong.
Cau33. Biét F(x) va G(x) la hai nguyén ham cia ham sé6 f(x) tén R va

5
[ f(x)dx=F(5)-G(0)+a, (a>0). Goi S la di¢n tich hinh phing gi6i han bdi cic duong
0

y=F(x), y=G(x), x=0 va x=5.Khi S =20 thi a bang?
A.4. B.15. C.25. D.20.
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Cau 1:

Céu 2:

Cau 3:

HUONG DAN GIAI CHI TIET

Cho ham s6 f(x).Biét f(0)=4 va f'(x)=2cos’ x+1, Vxe R, khi do j'f(x)dx bing
0

7t +4 B 7l +14rx c 7 +167+4 b 72 +167+16
16 ' 16 ' 16 ' ' 16 '
Loi giai
Chgn C

Taco: f( _[f( x)dx = I2cos x+1 dx = IZ+COSZX)dX 2x+;sm2x+C

Theo bai: f(0)=4<:>2.0+%.sin0+C =4<C=4.Suyraf (x)=2x+%sin2x+4.

Viy:

N

z b

4 4 n 2 2
If(X)dX=I(2x+lsin2x+4)dx=(x2—C032X+4x) . G —[—ljzw.
) ) 2 4 16 4 16

0

1
Cho J. xdx >=a+bIn2+cIn3 véi a,b,c 1a cic sb hiru ty. Gia tri cua 3a+b+c b:lfmg
2 (x+2)
A. -2, B. -1. C. 2. D. 1.
Loi gidi

:In3—ln2+g—1=—l—ln2+ln3.
3 3

Tacé a:—%, b=-1,c=1.vay 3a+b+c=-1.

f (2sin x+1)cos xdx

O v [N

. x* -1 khi x>2 . X .
Cho ham sb f(X): , ) . Tich phan bang
X“—2x+3 khi x<2
=4 B 2. c. Y p. 17,
3 6 6 3

Chon B
bit t =2sinX+1 < dt =2cos xdx .

Péi can x:0:>t:1;x:%:>t:3.

Tich phén tr¢ thanh:

- I dt——U‘f(t)dHij(t)dtJ

1
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:%{i(tz—2t+3)dt+:[(t2—1)dtj

1

1Z+E 23
23 3) 6

, A dx ,
Cau4: Biet dx=\/a—\/5—c voi a,b,c 1a cac sO nguyén duong. Tinh
'!‘(x+1)\&+ XX +1 =Y &
P=a+b+c
A P=24 B. P=12 C. P=18 D. P=46
Loi giai
Chon D
Céach1
j dx dx—_z‘: dx _.2[ X +x+1 i
1(x+1)\/§+x\/x+1 1\/x(x+1)(\/x+1+\/§) 1m(&+m)z
1 x+1+\/§
pat t=X+1+J/x = dt= e 20t =Y 2T gy
( 24/x+1 2\/_j JX(x+1)
\/—+\/—2 2 \/—'H/—
khigs 1= [ Zao( 2] —aVEeaVE-2 -2 \TZ-2
1+«/§ t 1+«/§
=P=a+b+c=32+12+2=46.

Cach 2

TP e oson
1(X+1)\f+x\/m \/x(x+1)(\/x+1+\/_) 1 \/x(x+1)(\/x+l+\/_)

Jox= (245 2T)] ~2E-2- 234 27 - VB T2

:j x(x+1 j[f il

1
dx 1+e .
Caus: Cho [~ =a+bln=—> vsia, b 14 céc sé hitu ti. Tinh S =2a°+b°,

e +1
A S=2. B.S=-2. C.S$=0. D. S=1.
Loi gii
ChenC

Cachl.Pitt=e* = dt=e"dx. Poican: x=0=>t=1Lx=1=t=¢e

e

e'dx ¢ dt 1 1 e
-[e +1 I e+1 Itt+1) j(f—mjdt:(ln|t|—ln|t+]4)l

1

=(1-In(1+e))—-(-In2)

a=1
_1iin% —1miteo —~S=a’+h’=0.
l+e 2 1

, ! e +1)—¢’ ! 1d( e* + ) ) 1+e
Céach 2. Iex+1:£ = +1 dx = .!dx _([ _x|z—ln _1 I%

Suyraa=1vab=-1.vay S=a’+b*=0.
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Cau 6:

Cau7:

Cau 8:

Tinh tich phan | = Icos3 X.sin xdx.
0

A.|=—%7Z’4. B. | =—x*. C.1=0. D.l=-=,

Loi gidi
Chgn C

Taco: |l = J'cos3 X.sin xdx . Pat t = cos x = dt = —sin xdx < —dt = sin xdx
0

Péi can: Voi x=0=>t=1; vdi X=r=>t=-1.
71 1 At s (_1)

Vay | :—It?’dt:It?’dt:t— =1——u=o
1 ° 4 4 4

-1
Céch khac : BAm may tinh.

Cho ham s6 f (X) = . Ho tit ca cac nguyén ham cta ham s6 g (X) = (X+1) f '(X) la

X*+4
X+ 4 X—4 X2 +2x—4 2X2 + X +4
A. +C. B. +C. C. ——+C. D. ——+C.
2x* +4 2x* +4 X +4 X +4
Loi giai
Chon B

u=(x+1) du = dx
dv:f'(x)dx:{sz(x)'
:jg(x)dx=(x+1)f(x)—jf(x)dx=(x+1)f(x)—_[\/xzxﬁdx.
JX +4
[— dx=J.%dt=_|.ldt:t+C:\/x2+4+C.

X2 +4
—Jx*+4+C=——-+C.
Jxi+4 x4

Khi do: [g(x)dx=(x+1) -— —

IQ(X)dX=I(x+1) f'(x)dx. bat {

TinhI dx, dat t=vx*+4 =t = x* + 4= tdt = xdx .

1

Cho ham sé f(x) co dao ham lién tuc tréen R . Biét f(3)=1 va [xf(3x)dx=1, khi do
0

3

'[xzf'(x)dx bang

0
A 3. B.7. C. 9. D. —.
Loi giai
Chon C
Xét tich phan | :j.xf (3x)dx=1.
0

Datt:3x:>dx:%dt va x:%t.
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Khi x=0 thi t=0.Khi x=1 thi t=3.
Do do | =j1tf (t).ldt:litf (t)dt
23 3
3

suyra—jtf t)dt= 1:>jtf dt—9:>jtf dt=9= [xf (x)dx=9.

0

Xét tich phan J :szf’(x)dx.

taco

_lu=x? {du:Zxdx
bat

dv= f'(x)dx:> v="F(x)

J=[x*f'(x)dx =x*f (x)‘i—]ijf (x)dx =x*f (x)‘

Oty w N

=321 (3)-0%f (0)-2.9=-9.

1
Cau9: Cho ham sé f(x) c6 dao ham lién tuc trén R . Biét f(6)=1 va jxf (6x)dx =1, khi dé

6

szf’(x)dx bang

0

A ﬂ B. 34. C. 24. D. -36.

3
Loi giai
Chon D

1
Xéttich phan | = [ xf (6x)dx=1.
0

Batt:6x:>dx:1dt vax=lt.
6 6
Khi x=0 thi t=0.Khi x=1 thi t=6.
6 6
A RN S|
Do d6 | —jgtf (t).—dt_—jtf (t)dt

0

suyra—jtf t)dt= 1:>jtf dt—36:>jtf dt—36:>J.xf x)dx=36.

Xét tich phan J =jx2f'(x)dx.
0

>
N
N
—
>
N—
o
>
1l

u=x’ du=2xdx
Dit = ,taco
dv=f'(x)dx v=Tf(x)
6 6 6
_[ xzf(x)‘Z—IZXf(x)dx:xzf(x)‘z—ijf(x)dx
0 0 0
= 6%.1 (6)— 0% (0)-2.36 =36

Cau 10: Chohamsd f(x) théa man f(2)=—% va £'(x)=x[ f(x)] véimoi xeR. Gidtricia f (1)
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bang
_4 _n _n D _4
35 20 20 "5
Loi gidi
Chon D
f'(x) ()
Taco: £/(x)=x°[f(x)] = dx = [ x°d
aco: f'(x) x[ () :fz(x) X:-l[fz(x) X '[x X
2
1 15 1 1 15 4
|| = — = - f(1)=—=.
@’[ f(x)l T IR (VR Il ¢ -

4

Cau 11: BiétlzJ‘ de =aln2+bIn3+cln5, véi a,b,c 1acac sé nguyén. Tinh S=a+b+c.
2 X7+ X
A S=6. B.S=2. C.S=-2. D. S=0.
Loi giai
Chon B
Ta co: t 1 =£—i.
X*+x  xX(x+1) x x+1
F 4
= ———— |dx=(Inx-In(x+1))|.=(n4—In5)—-(In3—-In4
Khi do: -[x +X -!(x x+1) ( ( ))‘3 ( )= ( )
=4In2-In3-1In5.

Suyra: a=4,b=-1c=-1.Vay S=2.

Cau 12: Chohamsé f(x) co f(0)=0va f'(x)=cosx.cos’2x VxeR . Khido If(x)dx béng
0

Ll 5. 2% c 22 o, 149
225 225 225 225
Loi giai
Chon C
Taco f '(X) = COS X.C0S% 2X, VX € R nén f (X) 1a mot nguyén ham cia f '(X),
Co .[f X)dx = .[cosx cos? 2xdx = Icosx 1+ cosax ICOSX j_cos X.C084X
2 2

:lj'cosxdxwtlj'(cosSx+0053x)dx:lsinx+isin5x+isin3x+c.
2 4 2 20 12
Suy ra f(x):%sinx+2—1osin5x+ésin3x+C,VXGIR. Ma f(0)=0=C=0.

Dodo f(x)= %sin x+2iosin 5x+%sin 3x,Vx € R . Khi d6:

V4 Vi

_[ f(x)dx = I(Esin X +isin 5x +isin 3xjdx = (—lcosx —iCOS5X —icos3x)
) 2 20 12 2 100 36

0

_ 42
225"

0
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8

Cau13: Chohamsé f(x)co f(3)=3va f'(x)=ﬁm voi x>0.Khidé£f(x)dX bang
6 2 6
Loi giai
Chon B
f (x) 1a mot nguyén ham ciia ham s6 f'(x)=ﬁm
X (\/x+1+1)(\/x+1—1) [ 1 ]

S A N— | dx=||1+ dx =x+2/x+1+C
J.x+1—\/x+1 I \/x+l(\/x 1—1) '[ vx+1

Suyra f(x)=x+2vx+1+C
f(3)=3<C=—4
f(x)=x+2Vx+1-4

8
Dung may tinh bAm I(x+2\/x+1—4)dx = %
3

Cach 2

dx. Pit t=vVXx+1= x+1=t> = x=t> 1= dx = 2tdt .

X
Xét | f'(x)dx= | —————
I ( ) J.x+l—\/x+1
X t? -1
dx=[—2 — dx=
Ix+1—\/x+1 '[tz—t
=t?+2t+C =(x+1)+2Jx+1+C.
Ma f(3)=3« (3+1)+24/3+1+C =3 C=-5.
= f(X)=(x+1)+2Jx+1-5=x+2/x+1-4.
8 8 2 8
:>J3.f(x)dx=£(x+2\/x+l—4)dx=[X?Jr% /(x+1)3 _4Xj

3

- 2tdt =jw.2tdt = [(2t+2)dt

t.(t-1)

Khi do, [ /()

-2 BT
6 6

1
Cau14: Cho ham s f(X) co dao ham lién tuc tréen R . Biét f(5)=1 va [xf (5x)dx=1, khi do
0

5
szf’(x)dx bang

0

A. 15. B. 23. C. % D. -25.
Loi giai
Chon D
dx=E
Pit t = 5x = t5.Déican:X=0:>t=O;x:1:>t:5.
X=—
5
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1 5
t

Khi do: | xf (5x)dx=1< | = f (t tf(t)dt=25< | x.f(x)dx=25 (*

it ()t [L 05 -1 Jur I )

du=f '(x)dx
2

u=f(x
Dét:{ ()3 X

dv = xdx V=—
2

Ta co: (*)<:>X—2 f(x)5—1jx2 f'(x)dx=25
: > 0 2" =
5 5
@E—l x2. f '(x)dx:25<:>_fx2.f '(x)dx =-25
2 23 0

1
Cau 15: Cho ham s f(X) c6 dao ham lién tuc trén R . Biét f(4)=1 va j xf (4x)dx=1, khi dé

4
Ixzf’(x)dx bang
0

A.%l. B. -16. C.8. D. 14.
Loi giai

Chon B

bit t=4x = dt =4dx

, t ctf(t) 4
Khi d6: jxf MX)dXZITdt:l:IXf (x)dx =16
0 0 0

4
Xét: .[xzf’(x)dx

Ap dung cong thuc tich phén timg phan ta co:
4

jxf x)dx = x* ( _[2xf X)dx =16. (4)-2[ x.f (x)dx=16-2.16 =16

0

1 1
caute: Chohamsé ' (X thoaman [(x+1) F'(x)ax=10 va 2T M= F(O)=2 inn ['f (x)ax
0

0

A I =-12 B.1=8 C.l=1 D.|=-8
Loi giai
Chgn D
L= du =d hi do | 1) f (x)[. 1f d
ba .Khid6 | = _ _
at dv:f'(x)dx:> v="f(x) ido 1 =(x+1) (X)‘o ,([ (x)dx

1
Suy ra 10=2f (1) f (0)— [ f (x dx:j x)dx=-10+2=-8
0
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Cau 17: Cho ham sb f (x) lién tuc trén R va thoa man f (x)+ f (—x)=+/2+2cos2x ,VxeR. Tinh

3z
2

| = L f (x)dx.

2

A l=-6 B.1=0 C.l=-2

Chon D

0

bit Xx=—t.Khi do I f (x)dx

sz

L

N
O'—.N‘g’ I\J‘é“)'—.o

f(

3z

w
N
4
w
N

T
o)
<
Il
o*—.m‘
—
—
|
>
S~
+
—
—~
>
~—~—
S~
o
—~
>
S~
Il

3z 3z
2 2
o= I\/4cos2 xd (x)=2 I|cosx|d(x)
0 0

z 3z
Vay | =2sinx|2 =2sinx|? =6.
2

3"

2
cosxd (x)—2 Icosxd (x)

2

2

Ot N[N O

Cau 18: Cho ham sb f(x) lién tuc trén R thoa Xf(x)+ f(l—x*)=—x""+x*—2x,VxeR

0
j f (X)dX bing

-1

A. —E. B. —5. C.g.
20 4 4
Loi giai
Chgn B

Véi Vx e R taco: xf (xX°)+ f(1—x*) =—x"+x°—2x

=S X)) +xfQL-x?) =—x"+x"=2x*> (¥

1 1 1
= Ixzf (x3)dx+jxf (1-x*)dx = '[(—x“ +x’ —2x2)dx
0 0 0
17 17 5
1 FOAAd()-= | fA-x)d(1-x) =—=
= 3] 1006 3 [ 1a-x)da-—x) =~
1¢ 17 5 ¢ 3
@5!f(x)o|x+§£f(x)o|x=—§@£f(x)olx:—Z

0 0 0
Mit khac : (*) = J. X2 f (x®)dx + I xf (1—x*)dx = j(—x” +x' - 2x2)dx
-1 -1 -1

LT o)L f fax? 17
(=3 100 () [ Fa-x)d((@-x)") =~

-1 -1

15 | Facebook tac gid: Phan Nhét Linh

Jd(-t)=-] 1 (-t)at= I f (—x)dx

V2+2cos2xd (x) = J«/2(1+ cos 2x)d (x)

. Khi do



Nguyén ham, tich phén va Ung dung
= L L f(x)d 17 = 0 f(x)dx=3
—| f(x)dx—=| f(x)dx=—— X)x=3| =.——— [=——.
3 10002 [ 10 =—2= [ 100 [2 j

Céach khac tham khdo cau 48:
Céach 1:

Tir gia thiét : xf (X°) + f(1—x*) = —x"+x°—2x,¥x€R

tasuyra f X labacbaco a=—1.Nén f x =—x*+bx*+cx+d

Cho x=0=f 1=0=b+c+d=1.
Chox=1=f1+f0=-2=f0=-2=d=-2

Cho x=-1=-f -1+f 0=2=f -1 =-4=14+b—-c+d=—-4.

Suyra=b=0;c=3.Tudoco f x =—x>+3x—-2.

0

0
13
= | f(X)dx= [ —xX*+3x—2 dx=——"=
o] :
Cach 2:
Ta co:

XfEOC)F FL—x2)=—Xx"4+x°=2x, WX ER & xX*f (x}) +xf 1—x*) +2x° = —x" +x', ¥ €R
Suy ra X2 f (x®) + xf (1— x?) +2x* 1a ham sd 1é

Do do:
h 2 3 2 2 _ h 2 3 2 2 __1 11 7 ___1
_[l[x f(xX7)+xf (1—x°)+2x ]dx_—.![x f(x7)+xf (1—x%)+2x ]dx_ .([( X+ X )dx_24
Lt e vy L ’ 2, 2 Lpoia s 1 2 5 2 1
:>§Ilf(x )d(x )—E_[f(l—x )d(1-x )+§:§£f(x )d(x )—E.([f(l—x R

16 17 4 17 17 15
=S| f(X)dx—=| f(X)dx+—=—=]| f(X)dx—=| f(X)dx =—
3£ () 2! ()dx-+ 3! (x) 2! ()dx =27

0 1 1 15
- 2£f(x)dx—3£ f (x)dx+8=—5£ f(dx="

:if(x)dx=—4—:[f(x)dx=—?

Céch 3:

xf () + F(L—x*)=—x"+x*—2x, xR
—xf (=) 4+ F(L—x*) =—x +x* +2x,Vx e R
= xf () + xf (—x}) =—4x,Vxe R= f(x})+ f (-x*) =—4,Vxe R
Thay x° boi xtacd f(x)+ f(-x)=-4,VxeR

Thay X bdi —x ta co:

Do do } f (x)dx+_(|1 f(—x)dx = j)‘ f (x)dx+j f(—x)dx=-4= j f(x)dx=-4

Tir gia thiét suy ra xf (x*) + f(1—x*) = —x" +x* —2x,¥x€R

:éi f (x3)d(x3)—%:[ f(1— x?)d(L— x?) :-g
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1¢ 1§ 5 & 3
| fX)dx+=| f(X)dx=—==| f(X)dx=——
3] Tk 2 [ 1= —g= [ 1=

o [ 0 13
vay | f(x)dx=—4—jf(x)dx:_z
—1 0

Cach 4:
Do f(0)=-2,taco: xf (x*)+ f(1—x*)=—x"+x*—2x,VxeR

= jl x* £ (x°)dx + T xf (L-x*)dx = j“(—xll +X" =2x%° )dx
-1 -1 -1

a’ 0

=3 [f(x)d(m%l J 100009 =_Tl(—x“+x7 - 2x?)d

0 1
Pit | =j f()dx va J = [ f (x)dx
0

-1

Cho a:O:EI—EJ :—E
3 2 24
a=1:>1I +1J :—ﬂ
3 3 3

. p 13
vay | f(x)dx=—4—jf(x)dx=_2
-1

0
Cach trinh bay khac

Cach 1: Chon f(x) 1a ham da thirc va gia st n 1a bac cua f(X).

Ta co : bac ciia vé phai 1a 10. Bac ciia xf (x°) 12 3n+1, bac ciia f (1—x?) 14 2n, suy ra bac cta vé
tréi la 3n+1.Khido: 3n+1=10< n=3. Gia st hé¢ sé cua X° trong f(x) la a.

Mit khac, hé s bac cao nhat cua vé trai va vé phai lanluotla a va —1 nén a=—1.

Cho x=0 thi f(1)=0= f(x)=—(x-1)(x*+bx+c).

Cho x=1thi f()+f(0)=-2= f(0)=—2=c=-2.

Cho x=-1thi f(-)=-4=Db=1.

Suyra f(x)=—(x=1)(x*+x—2). Thir lai thiy thoa.

Vay jl F(x)dx = jl[—(x—l)(xz +x-2)]dx = —?

0 1
Cach2:Pat | = [ f(x)dx va J = [ f(x)dx
0

-1
ok {xf () + f(1-x)=—x"+x"-2x,¥xeR
—XfF(=xX*)+ F(L—Xx*) ==x"+x*+2x, VxR
= xf (x*) + xf (=x*) = =4x, Vxe R = f (x*)+ f (-x*) =—4,Vx %0
= f(X)+ f(-x)=—4,VxeR (do f(0)=-2)

Suy ra j‘[f(x)+ f(—x)]dx:—4<:>jf(x)dx+.l[f(x)dx:—4:> l+J=-4 (1)

Mit khac, voi vx e R tacod : xf (x°)+ f (1-x?) = —x" +x° - 2x
= X () +xf (1-x*) =—x"+x" —2x°

17 | Facebook tac gid: Phan Nhét Linh
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= .T X2 f (x¥)dx + } xf (1—x?)dx = .T(—x” +x - 2x2)dx
e e

:lif(xs)d(ﬁ)——jf(l x?)d(1— x)__£:1|__3___ @)
37 24 3 2
Tir (1) va (2) suy ra | _j f(x)dx_—?
Cau19: Chohamsd f(x) thoa man f(2):—§ va f'(x)=2x[ f(x)] véimoi xeR.Gidticua f (1)
bang.
A -2 B, -2 c. -2 D. -2
36 3 36 15
Loi giai
Chon B
Taco f'(x)=2x] f(x ] ) =2X = I fx ) dx = [ 2xdx = ——— = X2 +C
[0 [0 F(x)
= f(X):—XZiC . Theo gia thiét: f(2):—§:>—§=—4ic :C:%,
. 1 2
Vayf( ) - ; 131:(1):—5
X +E

Cau20: Chohamsé y = f(x). D4 thi caa ham s6 y = f'(X) nhu hinh bén. Dat g(x)=2f (x)—(x+1)2.
Ménh dé nao dudi day dung?
YA

— — — — —

¥=

)
—_ e —— —
L ———— ==

A. 9(-3)>9(3)>g(1) B. 9(1)>9(-3)>9(3)

C. 9(3)>9(-3)>9(1) D. 9(1)>g(3)>g(-3)
Loi giai

Chon D

Taco g'(x)=2f"(x)-2(x+1)
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Cau 21:

3 +00

x=1
"(x)= f'(x)=x+1 .
9'(x)=0= f'(x)=x+1= 43
Bang bién thién
X |- -3
g'(x) _
(x)| "%
g1 \g(_3)/

Suyra g(-3)<g(1) va g(3)<g(1).

(1
g( )\g(3)/

+o0

|

Goi S, la dién tich hinh phang giéi han bai cac duong: Y = f'(x), y=x+1 x=-3, x=1

Goi S, la dién tich hinh phang giéi han boi cac duong: y=Xx+1, y=f'(x), x=1, x=3

Dua vao hinh vg, tathay: S, >S, >0.

Suyra: S-S, >0

:>_Jl;[f’(x)—(x+1)]dx—j.[(x+1)— f(x)]dx>0

1

:i[f’(x)—(x+l)]dx>0.

3 3

:.[3[f’(x)—(x+l)]dx+zf[f’(x)—(x+l)]dx>0

Khi dé: g(3)-g(-3)= j g’(x)dx:2“1”(x)—(x+1)]dx>0

-3

Turvasuy ra: g(1)>g(3)>g(-3).

Cho duong thang y = gx va parabol Y =X*+a ( a latham sé thuc duong). Goi S, va S, Ian luot

la dién tich cua 2 hinh phang dugc gach chéo trong hinh v& bén. Khi S, =S, thi a thudc khoang

nao sau day
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Y

So y=3X
s W= 2 +a
N
x“;
A (3] (22) e (&) o (02)

Léi giai

Chon B

.3
Xét phuong trinh twong giao: > x=x"+a=

xz—gx+a:0 (1)

Dé phuong trinh (1) cé hai nghiém dwong phan Dbiét X,X, ( X, >X >0)
A:g—4a>0
4
= x1+x2=§>0:>0<a<3.
2 16
X.X,=a>0
i, 3 1, 3 "1, 3
Taco: S, =|| x¥*—=x+a |dx= —x3——x2+ax] S e
1!(2}(34 03)(14)(1"“1
i 3 1., 3 " (1., 3 1, 3
S,=—|| ¥ —=x+a|dx=—| =xX*-Zx*+ax | =—| =X -=x’+ax j+[— —_ 2+ax)
: I( > j (3 ., ] (3242 o H 34K A

3

Do 81:82:%x2—2x22+ax2 =0

i A 3
ma X, la nghiém cua (1) nén x; —=x,+a=
2

3

:%xz 2

—=X; +

2 (—x§+gx2j.x2=0<:>—§x

2 ( j

2 9
=—¢€
64

Thay vao (2) => a - —
y ( ) 5 20
Cau 22:

la dién tich cua 2 hinh phang duoc gach ché

nao duoi day?

0:>a=—x§+gx2 (2)

§+%X§:O =X, =§ (loai nghiém X, =0)

Cho dudng thang y = 3x va parabol y =2x*+a ( a latham sé thuc dwong). Goi S, va S, lan luot

o trong hinh v& bén. Khi S, =S, thi a thugc khoang
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Cau 23:

A. (ﬂgj
510

Léi giai

Chon A
Xét phuong trinh twong giao: 3x =2x* +a = 2x* —3x+a=0(1)

Dé phuong trinh (1) c¢6 hai nghiém duong phan biét x,x, ( X,>x >0)

A=9-8a>0
3 9
= +X,==>0=>0<a<-—.
X+ X, 5 3

a
X, =—>0
XXy 5

X

=3 X A

Tacé: S, = (2x2—3x+a)dx= Ex3—§x2+ax
! 37 2 3
0

0

X2

S, =—I(2x2—3x+a)dx :—(§x3—gx2+axJ

2 3 |+ 234
3% 5% 2 3X1 2X1 ax

2 3
Do S, =S, ==X —-=x +ax,=0
3 2
ma x, la nghiém cua (1) nén 2x; —3x, +a=0=>a=-2x; +3X, (2)

:%xg’—gx§+(—2x§+3x2).x2 =0 Q_%XnggX; =0=X, :g (loai nghiém x, =0)

Thay vao (2):>a:£e(f;gj.

32 (510
Cho hai ham s6 f(x)=ax’+bx’ +cx—2 va g(x)=dx’+ex+2 (a, b, c, d, eeR). Biét
rang do thj ciia ham s6 y = f (x) va y = g(X) cét nhau tai ba diém c6 hoanh d 1an luot la —2;

—1; 1 (tham khao hinh v§).
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Hinh phang gii han boi hai do thi di cho c6 dién tich bang

NS B. 2. c.? p. 3’
6 2 2 12
Loi giai
Chon A

Phuong trinh hoanh d¢ giao diém cua dd thi f(x) va g(x) la
a +bx* +ex—2=dx* +3x+2<=a’+(b—-d)x* +(c—e)x—-4=0. (*)
Do db thj cia hai ham s cdt nhau tai ba diém suy ra phuong trinh (*) ¢ banghiém x =-2; x = -1
: X=1. Ta duoc
a+(b—d)x* +(c—e)x—4=Kk(x+2)(x+1)(x-1).
Khido -4=-2k =k =2.
h 37
Vay dién tich hinh phing can tim la I‘Z(X—I-Z)(X—I—l)(x—l)‘dx =5
22
Cau 24: Cho hai ham s f (x)=ax’+bx’ +cx—% va g(x)=dx’+ex+1 (a,b,c,d,eeR). Biét ring do

thi ham s6 y = f (x) va y =g(x) cit nhau tai 3 diém c6 hoanh do lan lugt 1a -3; —1; 1. Hinh
phing gi¢i han boi 2 d thi da cho co dién tich bang

Y

W

-
-3 -1 O \i/ x
I
9
A. E B. 8 C. 4 D.5
Loi giai
Chon C
Cach 1:
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Cau 25:

R 3
Xét phuong trinh ax3+bx2+cx—%:dx2+ex+1U ax+ (b- d)x*+ (c- e)x- §=O co 3

—27a+9(b—d)—3(c—e)—g:0 b—dzg
nghiém lan luot 1a —3; —1; 1 nénsuy ra —a+(b—d)—(c—e)—§=0 = a=%
3 -1
b-d —-e)->=0 —e=—
a+(b-d)+(c—e) > c-e=—

Vay f(x)—g(x):%x3+§x2—%x—g.

Hinh  phang  gidi han boi 2 d thi di cho c¢6 dién tich bang

S= j dx+j )£ (x))dx

oS = _[ L X3 Ex2 1x—— dx — J‘ 1 x3 3xz—lx—— dx=2+2=4.
2 2 2 2 2

Céach 2:
Taco: f(x)—g(x)=a(x+3)(x+1)(x-1).

Suy ra a(x+3)(x+1)(x—1):ax3+(b—d)x2+(c—d)x—g
f hA oA 3 1

Xét hé so tu do suy ra: —3a:—E:>a=§.

Do dé: f(x)—g(x)=%(x+3)(x+l)(x—l).

-1 1
Dién tich bing; S :j[f (x)—g(x)]dx+j[g(x)— f(x)]dx
-3 -1
17 1t
= :E'[(x+3)(x+1)(x—1)dx—§I(x+3)(x+1)(x—1)dx =4.
-3 -1
Cho hinh thang cong (H) giéi han béi cac duong y=e*, y=0, x=0, x=In4. Duong thing
x=k (0<k <In4) chia (H) thanh hai phan c6 dién tich 1a S, va S, nhu hinh v& bén. Tim k dé
S, =2S,.

Py

(@) Kk In4
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2 8

A. k==In4. B.k=In2. C.k=In= D. k=In3.
3 3
Loi giai
Chon D
In4
Taco S, '[edx x|y = e ~1vas, —jexdx et = a—e,

Laico S, =28, <e -1=2(4-¢e") = k=In3.

Cau 26: Tinh dién tich hinh phing giéi han boi d6 thi ham s6 y = x® — X va d0 thi ham s6 y = x— X°.
37 9 81
A

. — B. — C. — D. 13
12 4 12
Loi giai
Chon A
x=0
Phuong trinh hoanh d¢ giao diém x°* —x=x-x* < X’ +x*-2x=0<| x=1
X=-2

Dién tich hinh phang gisi han boi db thi ham sé y = x* —x va do thi ham sé y = x—x* la:

'(f(x + X —2x)dx+_1[(x + X —2x)d

S= j”xs—x (x X2 ‘dx_
-2

xt X3
= —+ 2 —x?
4 3

Cau 27: Chohamsdbacba y= f (X) c6 do thi 1a duong cong trong hinh v€ bén. Biét ham sb f (X) dat cuc

0

x* x® '
4| =+ =X
s 4 3

0

16_§_ __1 37
12

tri tai hai diém X,,X, théaman X, =X +2 va f(x )+ f(x,)=0.Goi S, va S, la dién tich ciia hai

hinh phang dugc gach trong hinh bén. Ti s6 % bing
2

YA
N\
152_
e T >
0 X I‘Uz T
I
|
A. E. B il C. 3 D. 3
4 8 8 5
Loi giai
Chon D
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Goi f(x)=ax’+bx*+cx+d,véia>0 = f'(x)=3ax’+2bx+c.
Theo gia thiéttaco f'(x )= f'(X,)=0= f'(x)=3a(x—x)(Xx-X,)=3a(x—x)(x—x —2).
= f’(x):3a(x—x )’ —6a(x—x,).
jf x)dx=a(x—x) —3a(x-x) +C
Taco f(x1)+f( X,)=0=f(x)+f(x+2)=0 =>C+8a-12a+C=0=C=2a.

Dodo f(x)=a(x-x) -3a(x-x)"+2a=a| (x-x) -3(x-x) +2].

x:x1+l—\/§
f(x):0:>a[(x—x1)3—3(x—xl)2+2}:0<:> x=x +1
x:x1+l+\/§

X +1 X +1

Suyra S, = I f(x)dx= I a[(x—x1)3—3(x—x1)2+2}dx

X +1

- [ 2" -3(cx)" +2]a )
X +1
=a(X‘T‘)(xxl>3+2(xxl>} -=
X +1 l X +1 3a

Mat khic tacd S, +S, = [ f(x)dx=f(x) [ dx="f(x)=2a =5 =2a-5,===

S, 3
Viy 2L==,
Ys, 75

Cau 28: Cho duong thang Y =X va Parabol y = % x> +a (@ 1a tham sb thuc duong). Goi S; va S, 1an luot

1a dién tich ctia hai hinh phing dugc gach chéo trong hinh v& bén. Khi S; =S, thi @ thuc khoang

nao sau day?

Ay
SQ y=2x
Sl 1 5
Y 51:“+a
T
|
O T
S L
72 '3 "\3'5) \5'7
Loi giai

Chon C

Xét phuong trinh tuong giao: % X’ +a=x
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=1-v1-2a \
:>£x2—x+a:0:> % , voi diéu kién a<1.
2 x, =1++/1-2a 2
1-t°
Pitt=+1-2a,(t=0)=>a= =

Xét g(x):%xz—x+a va jg(x)dx=G(x)+C.
X

Theo gia thiét ta c6 S, = [ g (x)dx =G (x,)~G(0).
0

5, = [ 9(x)x =6 (x)~G(x,)-

Do S, =S, :>G(x2):G(O):%xﬁ—%xzﬁax2 =0

2
= X, —3%, +6a=0 :(1+t)2 —3(1+t)+6[1_2t J:O

= -2t —t+1=0 :>t=% vat=-1.

Khi t:1:>a:§.
2 8

Cau 29: Cho hai ham sé f(x):ax3+bx2+cx+% va g(x):dx2+ex—%, (a,b,c,d,eeR).Biétring dd

thi ciaham s6 y = f (x) va y =g(x) cit nhau tai ba diém c6 hoanh d¢ lan lugt la —2; 1; 3. Hinh

phang giéi han bai hai d6 thi da cho c6 dién tich bang
YA

N 5. 15 15 o, 28
48 24 48 24
Loi gidi
Chon A

Ta c6 phuong trinh hoanh d¢ giao diém la:

ax3+bx2+cx+§:dx2+ex—§<:>ax3+(b—d)x2+(c—e)x+g:0.

bat h(x):ax3+(b—d)x2+(c—e)x+g

Duya vao dd thi ta co h(x):ax3+(b—d)x2+(c—e)x+g co banghiémla x=-2; x=1,x=3.
Vi x=-2 tac6 8a+4(b-d)-2(c-e) =3, (1)

Vé6i x=1taco a+(b—d)+(c—e)=—g, (2).
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Cau 30:

Céu 31:

Vi x=3 taco 27a+9(b—d)+3(c—e):—§, (3).

3 1
—8a+4(b—d)-2(c—e)=-> _=
ar4(o-a)-2(c-e)=-3 [a=1
Tu (1),(2) va (3) taco a+(b—d)+(c—e):—g & b—d:—%,
3 5
27a+9(b-d)+3(c—-e)=—= c—e=—2
2 4
Haytacé
1 3
5= Hf T L | R v U R
-4 2 4 114 2 4 2 16 3 48

x . 1 s .
Cho hai ham s6 f (x)=ax’+bx*+cx—1 va g(x):dx2+ex+z (a,b,c,d,eeR). Biet rang do

thi cia ham sé y = f(x) va y = g(X) cit nhau tai ba diém c6 hoanh d6 lan luot —3;-1;2.
YA

=Y

= ﬁyb/z

Hinh phang gi¢i han boi hai d6 thi da cho c6 dién tich bang

a B3 5 125 c 28 0 125

12 12 48 48

Loi gidi

Chon C
Vi phuong trinh f(x)—g(x)=0 co 3 nghiém -3;,-12 nén
f(x)—g(x)=a(x+3)(x—2)(x+1).

2

So sanh hé sb tu do ta duge —6a:—§ :>a:il'1 = %(X+3)(X+1)(X 2)|dx 24583

Ong An ¢6 mot manh vuon hinh Elip c6 do dai truc I6n bang 16m va do6 dai truc bé bang10m . Ong
muén trong hoa trén mot dai dat rong 8M va nhan truc bé cua elip 1am truc ddi xang (nhu hinh v§).
Biét kinh phi dé trong hoa la 100.000 ¢ong/1m?. Hoi 6ng An can bao nhiéu tién dé trong hoa trén
dai dat d6? (S6 tién duoc lam tron dén hang nghin.)
/\

8m
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Cau 32:

A. 7.862.000 ddng

B. 7.653.000 dbng

C. 7.128.000 déng

D. 7.826.000 dong

Loi giai
Chon B
Chon hé truc toa d6 nhu hinh vé
Ay
H
............. -
—8 —Afop 8
-5
X2 y2
Gia st elip c6 phuong trinh ¥+F =1.

Tirgiathiéttacé 2a=16=>a=8 va 2b=10=b =5

y=264-¢" (E)
5
y=-2V64-x" (E,)

2 2

. e Xy
Vay phuong trinh cuaelipla —+2-—=1—=
ay p g p 64 o5

Khi d6 dién tich dai vuon dugc gidi han bai cac duong (E,); (E,); x=—4; x=4 va dién tich cua

4 4
dai vuon 1a S :2.[2\/64—x2dx:;[\/64—x2dx
2 0

Tinh tich phan nay bang phép doi bién x =8sint | ta dugc S = 4%” +204/3

Khi d6sotiénla T = (407” + 20\/§j .100000 = 7652891,82 = 7.653.000.

Mot bién quang cao c6 dang hinh elip v&i bon dinh A, A,, B, B, nhu hinh vé& bén. Biét chi phi dé
son phan t6 dam 1a 200.000 dong/ m* va phan con lai 13 100.000 dong/ m? . Hoi s tién dé son theo
cach trén gan nhat véi sb tién nao dudi day, biét AA, =8m, BB, =6m va tir giac MNPQ 1a hinh
chir nhat co6 MQ =3m.
A. 7322000 ddng. B. 7213000 ddng.

C. 5526000 dong.  D. 5782000 dong.
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Chon A
y
Bl
M, N
6m 4 0 A, x
m
o P
2
8§m

Gan hé truc toa do Oxy co AA, trung véi truc Ox, BB, trung voi truc Oy, géc toa do
O = AA, n BB, (nhu hinh vé&).
Elip ¢6 d0 dai tryc Ion 2a=AA, =8 < a=4 (m),dc}déitrucnhé 2b=BB,=6 <b=3(m).

2

Suy ra phuong trinh chinh tic cua elip 1a Z— + g =l y=1t— \/16 X’ . Trong d6:

Do MQ=3=Y,, :MTQ:gij =—4,/1—y?M:—2\/§:>xN = 243.

Goi S, 1a dién tich phan t6 dam cua elip, S, 1a dién tich phan khong bi t6 ddm cua elip va S 1a dién
tich elip. Suy ra S, la di¢én tich hinh phang gi6i han boi cac duong y= Z\/lG -x*

y:—%\/le—x2  x=-23, x=23

Ta co:
+$ = rab =127 (m?).

s.= [ [P (-2 s dx_sjmdx
Sal4

bit x =4sint = dx =4costdt .

Khi x=0=1t=0.Khi X=2\/§:>t:%
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Cau 33.

24(1+cos2t)dt

Ot w|N

23 3 3
= 5,=3 | V16— x" dx = 3[V16—16sin” t.4costdt = [ 48cos’ tdt =
0 0 0

= (24t + 12sin2t)? =87 +63(m?).

=8, =5-8,=47-63(m*).

Suy ra chi phi dé son bién quang cao la: 200000.S, +100000.S, ~ 7322416 (dong).
Vay s tién dé son bién quang cao gan nhit véi 7322000 dong.

Biét F(x) va G(x) la hai nguyén ham ciia ham sé6 f(x) trén R va
5
I f(x)dx=F(5)-G(0)+a, (a>0). Goi S la dién tich hinh phang gi¢i han bdi cac duong
0

y=F(x), y=G(x), x=0 va x=5.Khi S =20 thi a bang?

A.4. B.15. C.25. D.20.
Loi giai

Chon A

bit G(x)=F(x)+C (C la hang sd).

5

jf(x)dx: F(5)-F(0)=F(5)-(G(0)-C)=F(5)-G(0)+C

0

SuyraC=a.
S :i‘F(x)—G(x)‘dx:j|a|dx:jadx:5a.
0 0 0

Theo gia thiét 5a=20 < a=4
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