[...Cac chuyén dé Trac nghiém Toan THPT...] Dai s6'10_Két noi tri thifc véi cudc song

Page: CLB GIAO VIEN TRE TP HUE C]IUY]AEN Bﬁ ™R i C NG A

\ L Moén: Toan 10 )
Chuyén dé:
HE THUC LUONG TRONG TAM GIAC

Lép Toan thay LE BA BAO

Treong THPT Dang Huy Tri SDT: 0935785115 Facebook: Lé Ba Bao
116/04 Nguyén L Trach, TP Hué Trung tam Km 10 Huong Tra, Hué
Chii dé 2: HE THUC LUONG TRONG TAM GIAC

I. LY THUYET
1. Dinh 1i c6sin

B a C
Xét tam gidc ABC véi BC=a, AC=b va AB=c.

Ta cé: a* =b* +c* =2bc.cos A; b* =c* +a* —2ca.cosB; ¢? =a* +b* —2ab.cosC
" b*+c*—a® A +a*-b? a+b* -c?
He¢ qua: | cosA=—————; cosB=————; cosC=———
2bc 2ca 2ab

2. Pinh li sin

Xét tam giac ABC véi BC=a, AC=b, AB=c vdi R la ban kinh duong tron ngoai tiép.

a b c IR

Ta co:

sinA_sinB _sinC _
3. D¢ dai trung tuyén

Xét tam giac ABC véi m,, m,, m. lan luot la cac trung tuyén ké tir A, B,C.

Ta co:

i :2(b2 +c2)—a2; i :2(a2 +22)—b2; . :2(112 +:2)_C2
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4. Dién tich tam giac

Vi tam gidc ABC ta ki hiéu h,, h,, h, la d6 dai dwong cao Ian luot twong Ging véi cac canh

a+b+c ..
la

BC, CA, AB; R, r Ian lugt la ban kinh duong tron ngoai tiép, noi ti€p tam giac; p =

ntta chu vi tam gidc; S la dién tich tam gidc ABC.

Khi d6 ta co:
S=Lan = Zbh, = Len
2" 2 2 ¢
ZlbcsinAzlcasinB:lgbsinC
2 2 2
4R
= \/P(P —a)(p—-b)(p—c) (C()ng thiic Herong)

5. Giai tam giac

Viéc tinh d¢ dai cac canh va sé do cdc géc ciia mgt tam giac khi biét mét sé yéu té cia tam gidce dé
dwot goi la giai tam giac.

II. BAI TAP TU LUAN

Cau1:
Cau 2:

Cau 3:

Cau 4:
Cau 5:
Cau 6:
Cau 7:
Cau 8:
Cau 9:

Cau 10:
Cau 11:

Cau 12:

Cau 13:
Cau 14:
Cau 15:

Cho tam gidc ABC c6 A=120° va AB=5, AC =8. Tinh d6 dai canh BC.

Cho tam gidc ABC c6 a=8,b=9,c=6.

a) Tinh s6 do cac goc cta tam giac.

b) Tinh dién tich, ban kinh duwong tron ngoai tiép, ban kinh dwong tron noi ti€p, do dai cac
dwong cao cua tam giac.

Cho tam giac ABC c6 A=15°,c=6 va B=120°.

a) Tinh d6 dai cdc canh a,b;

b) Tinh ban kinh duong tron ngoai tiép va dién tich cua tam giac;

¢) Tinh d¢ dai dwong cao h,.

Cho tam gidc ABC c6 a=14, b=18, c=20. Tinh gan dang goc ABC.

Giai tam giac ABC, biét c=14,A =60°,B=40°,

Cho tam giac ABC ¢6 B=60°, C=45°, AB=5. Tinh d0 dai canh AC.

Cho tam gidc ABC c6 BC =10, A =30°. Tinh ban kinh duwong tron ngoai tiép tam giac ABC.
Cho tam giac ¢ ba canh la 6,10,8 . Tinh ban kinh duong tron ndi ti€p tam giac do.

Cho tam gidc ABC vuodng tai A c6 AB=6 cm, BC =10 cm. Tinh ban kinh dwong tron noi
ti€p tam giac do.

Tinh dién tich S ctia tam gidc ABC c6 c=4,b= 6,A=150°.

Tinh dién tich tam giac c6 ba canh lan luwot1a 5, 12, 13.

Cho tam gidc ABC c6 géc B tii, AB=3, AC =4 va c6 dién tich bang 3J/3. Tinh s6 do goc
BAC.

Tinh dién tich tam giac déu noi ti€p duwong tron ban kinh R =4 cm.

Cho tam gidc ABC c6 AB =1, AC =3, A=60°. Tinh ban kinh dwong tron ngoai tiép AABC.
Cho tam gidc ABC c6 AB =8 cm, AC =18 cm va c6 dién tich bang 64 cm?2 Tinh sin A.
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Cau 16:

Cau 17:
Cau 18:

Cau 19:

Cau 20:

Cau 21:
Cau 22:

Cau 23:
Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:
Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cho tam giac ABC c6 AB=9 cm, AC =12 cm va BC =15 cm. Tinh d6 dai duong trung
tuyén AM cuta tam gidc ABC.
Cho tam giac ABC c6 AB =5, AC =9 va duong trung tuyén AM = 6. Tinh d6 dai canh BC.
Cho tam gidac ABC c6 AB=5, BC =8,CA=6.Goi G la trong tam tam gidc. Tinh d6 dai doan
thang CG.
Cho tam giac c6 ba canh lan luwgtla 5, 6, 7. Tinh d¢ dai duong cao tng vdi canh c6 d6 dai
b.:?mg 6.

.y o , . .. ~ AB
Cho tam giac ABC c6 cac goc A=105°, B=45°. Tinh ti s6 i

Cho tam giac c6 ba canh Ian luot 1a 5,12,13. Tinh d¢ dai duong cao tng voi canh 16n nhat.
Cho tam giac c6 ba canh [an luot 1a 2,3,4 . G6c bé nhét ctia tam giac ¢ sin bang bao nhiéu?
Cho tam gidc ABC c0 AB=3,AC =4 va tanA= 2\/5. Tinh &6 dai canh BC.

Cho tam giac ABC vudng can tai A. Goi r,R Tan luot la ban kinh duong tron ndi tiép, ngoai

, . .~ R
tiép tam gidc ABC . Tinh tisd —.
r

Cho tam gidc ABC ¢6 cac canh @, b, ¢ théa man (a+b+c)(a+b—c)=3ab. Tinh s8 do ctia goc
C.
Tinh goc C cua tam giac ABC biét a=b va a(a2 —Cz) = b(b2 —Cz) .

Cho tam giac ABC c¢6 BC =10 va sind_sinB_sinC

. Tinh chu vi ctia tam giac do.

4 3
Cho tam gidc ABC c6 cac goc thoa man SHIA = Sl;B = Si?,c . Tinh s& do cac goc cua tam giac.
3

Cho tam gidc ABC c6 AB=7,AC =5 va COS(B +C) = —%. Tinh d0 dai canh BC.

Cho tam gidc ABC, cac duong cao h,, h,h théa man 3h, =2h +h . Chiing minh rang:

3 21
==+
a b c
Cho tam gidc ABC . Chttng minh rang:
2 2 2
RO SESESEREY
2 4 h, h h

Cho tam gidc ABC c6 cac goc thoa man sinC = 2.sin B.cos A. Chitng minh rang tam giac
ABC la mot tam gidc can.
Cho tam giac ABC . Chttng minh rang:

2 2 2
a) cotA+cotB+cotC=%. b) m§+m§+mf=g(az+b2+c2).
Cho tam gidc ABC c6 hai trung tuyén ké tir A va B vuong géc. Chitng minh rang:
a) a®+b® =5¢%. b) cotC =2(cot A+cotB).

Cho tam giac ABC c6 S = 2R’sin Asin B. Chitng minh rang tam gidc ABC la mot tam giac
vuong.

Cho tam giac ABC vudng can tai A c6 AB = AC =30 cm. Hai duong trung tuyén BF va CE
cit nhau tai G . Tinh dién tich tam giac GFC.
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cho hinh binh hanh c¢6 hai canh 1a 5va 9, mot duong chéo bangll. Tim d9 dai duwong chéo
con lai.

Cho hinh binh hanh ABCD ¢4 AB=a, BC=a2 vd BAD=45°. Tinh dién tich hinh binh
hanh ABCD.

Cho tam gidc ABC vuédng tai A c6 AB=AC=a. Difm M ndm trén canh BCsao cho
BM = % . Tinh d0 dai doan théng AM.

Cho hinh vuéng ABCD c6 canh bﬁmg a. Goi E la trung diém canh BC, F la trung diém
canh AE . Tinh d6 dai doan thang DF .

Cho tam giac ABC ngi ti€p duong tron ban kinh R, AB=R, AC = R\/z . Tinh géc A biét A
la goc tu.

Cho tam gidc vudng, trong d6 c6 mot goc béng trung binh cong ctia hai géc con lai. Canh 16n
nhat ctia tam gidc d6 bang a. Tinh dién tich tam giac da cho.

Cho tam gidac AABC vuodng can tai A va diém M trong tam giac sao cho MA=1, MB=2,
MC =+/2 . Tinh géc AMC .

Cho gdéc xOy =30°. Goi A va B la hai diém di dong lan luot trén Ox va Oy sao cho AB=2.
Tinh d6 dai 16n nhat ciia doan OB.

D€ do chiéu cao ctia mot toa nha, ngudi ta chon hai diém A va B thang hang véi chan C cua
toa nha, cadch nhau 15m. St dung giac k&, tt A va B twong ting nhin thdy dinh D cua toa
nha duéi cac géc 35° va 40° so véi phrong nam ngang.

£ (40"
Alsm f

Hoi chiéu cao cuia toa nha do duwoc la bao nhiéu“ ﬁlét?
Mot tau ca xudt phat tit ddo A, chay 50km theo huéng N24°E dén dao B dé lay thém ngu
cy, roi chuyén hudéng N36°W chay ti€p 130 km dén ngu truong C .

130 km

a) Tinh khoang cach tt vi tri xudt phat A dén C (lam tron dén hang don vi theo don vi do
kilomét).
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Cau 47:

Cau 48:

Cau 49:

Cau 50:

b) Tim hudng tix A dén C (lam tron dén hang don vi, theo don vi d9).

Mot tau du lich xuat phat tt bai bién B6 Son (Hai Phong), chay theo huéng N80°E vdi van
toc 20 km/h. Sau khi di duwoc 30 phut, tau chuyén sang huéng E20°S giir nguyén van toc va
chay tiép 36 phut nita dén dao Cat Ba.

N
N80° E
w E
E20° S
S C

Hoi khi d6 tau du lich cach vi tri xudt phat bao nhiéu kilomet?

Mot cay cd thu moc thang diing bén [é mot con ddc cé d&o ddc 10° so véi phrong nam ngang,.
Ttr mot diém dudi chan ddc, cach goc cdy 31m nguoi ta nhin dinh ngon cay dudi mot goc
40° so v6i phrrong nam ngang.

C

Hay tinh chiéu cao cua cay.

Trong khi khai quat mét ng6i md ¢d, cdc nha khao ¢6 hoc da tim dwgc mét chiéc dia ¢d hinh
tron bi v3, cdc nha khao c6 mudn khoi phuc lai hinh dang chiéc dia nay. D€ xac dinh ban kinh
cua chiéc dia, cac nha khao c6 1ay 3 diém trén chiéc dia va tién hanh do dac thu duoc két qua
nhw hinh vé (AB =4,3cm; BC =3,7 cm; CA=7,5 cm).

Tinh gan dung ban kinh cua chiéc dia nay.
Gia st CD = h 1a chiéu cao cta thap trong d6 C 1a chan thap. Chon hai diém A, B trén mat dat
sao cho ba diém A, B, C théng hang. Ta do dwoc AB =24m, CAD =63°; CBD =48°.
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Tinh gén dung chiéu cao h cua khéi thap.

III. BAI TAP TRAC NGHIEM

Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cho tam giac ABC, khang dinh nao sau day dung?

A.a’ =b®+c® +2bc.cos A. B.a’ =b”* +c*—2bc.cos A.

C.a” =b*+c®+bc.cos A. D.a’ =b*+c*—bc.cos A.

Xét tam gidc ABC tuy y c6 BC =a, AC =b, AB=c.Ménh dé nao dudi day dung?

A. COSB=M. B. COSB=M. C. COSB=M. D. COSBZM.
2ac 7 2ac ac 4

Cho tam gidac ABC c6 A=120°. Dang thitc nao sau day dung?

A. a’=b*+c®>-3bc. B. a’ =b® +c? +bc.

C. a’* =b*+c*+3bc. D. a® =b*+c*—bc.

Cho tam gidc ABC c6 BC=a; AB=c; AC=b va cod Rlaban kinh duwong tron ngoai tiép.
Hé thitc nao sau day la sai?

A2 -2R B. sinA=—. C bsinB=2R  D. sinC=21A
sin A 2R a

Xét tam giac ABC, hé thitc nao sau day sai?

A. a:b..smBA. B. sinC:C'SmA. C. a=2RssinA. D. b=R.tanB.

sin

Cho tam giac ABC c6 AB =c, AC =b. Dién tich ctia tam gidc ABC bang

A. bccos A B. bcsin A C. %bc cos A D. %bcsin A

Néu tam gidc ABC c6 a® <b?+c? thi:

A. A la goc nhon. B. A la goc tu.

C. A la goc vuong. D. A la goc nhé nhat.

Cho tam gidc ABC c¢6 BC =a, CA=b, AB =c. Ménh dé nao sau day la dang?

A.Néu b*+c?—a’ >0 thi géc A nhon. B. Néu b*+c*—a’ >0 thigéc A tu.

C. Néu b? +c?—a® <0 thi géc A nhon. D. Néu b? +¢? —a* <0 thi géc A vudng.

Ménh dé nao sau day sai?

A.Néu a’ >b®+c’ thi A la goc tu.

B. Néu tam gidc ABC c¢6 mot gdc tu thi a® > b’ +c?.

C.Néu a* <b®+c? thi A 1a géc nhon.

D. Néu a* =b®+c? thi A 1a géc vuong.

Cho tam giac ABC théa man a* =b* +¢*. Khang dinh nao sau day ding?

Gido vién: LE BA BAO...0935.785.115... Truong THPT Déng Huy Tri¢  CLB Gido vién tré TP Hué 6



[...Cac chuyén dé Trac nghiém Toan THPT...] Dai s6'10_Két noi tri thifc véi cudc song

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

A. Tam gidc ABC vudng tai A. B. Tam gidc ABC vudng tai B.

C. Tam gidc ABC tu. D. Tam giac ABC nhon.

Cho tam giac ABC, cac duong cao h,, h, h, théa man hé thiee 3h, =2h, +h,. Tim hé thic gitra
a, b, c.

A — 3 E_l B. 3a=2b+c. C.3a=2b-c. D.§:3+1.
a b c a b c

Trung tuyén AM cta tam giéc ABC c6 do dai bang

b*+c*-a’. \/2b2+20 —a?. C.\3a2-2p°- D. v2b* +2¢* —-a’
Cho tam gidc ABC c6 AC = 3\/_, 3,AB=3,BC =6.Tinh s6 do goc B.
A. 60°. B. 45°. C. 30°. D. 120°.
Cho tam giac ABC c6 b=7; c=5 va COSA=§ .Tinh a.
A. 42 B. 2. C. V2. D. 3.
Cho tam giac ABC c¢6 AB = 34/3 va ban kinh duong tron ngoai ti€p R=3.58 do géc C la
A. 60°. B. 30°. C. 90°. D. 45°.
Cho tam gidc ABC c6 B=60°, C =45°, AB=3. Tinh d¢ dai AC.
A. i B. ﬂ C. 6. D. 26 .

2 2 3
Cho tam gidc ABC c6 BAC =105°, ACB =45° va AC =8. Tinh d¢ dai canh AB.
A. %. B. 4V2. C. 8J2. D. 4(1+43).
Cho tam gidc ABC c6 AB=9,AC =18 va A=60°. Ban kinh cua duwong tron ngoai tiép tam
giac ABC la
A. 3. B. 93. C. 9. D. 6.

Cho hinh vuéng ABCD c6 canh bang 6, E la trung diém ctia CD . Tinh ban kinh duwong tron
ngoai ti€p tam giac ACE.

a0 B 365 c. 3/i0. D. 3\5.
. 1 .. ~ AB

Cho AABC c6 A=45° B=75°. Tinh ti sO BC
a e p. 13, c Y6r3/2 p. 5,

2 2 6 3
Cho tam giac ABC c6 BC =3, AC =5, AB =6. Do dai duwong trung tuyén ké tir dinh C bang
A. 242, B. 5. C. V1o D. 3.
Cho tam gidc ABC c6 BC =4, AC =5 va ACB =60°. Dd dai duong trung tuyén ha tir dinh
Cla
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Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cho tam gidc ABC c6 chu vi bang 32 va ban kinh duong tron ndi ti€p ctia AABC bang 5.
Tinh dién tich tam gidc ABC.
A. Sz%. B. S=40. C. S=160. D. §=80.
Cho tam giac ABC c6 a=5,b=12, ¢ =13.Ban kinh duong tron ngoai tiép R cua tam gidc
bang
A. 13. B. 6,5. C. 26. D. 7,5.
Cho tam giac ABC c6 A=60° AB =3, AC =4. Tinh d¢ dai duwong cao ké tit A cutia tam giac
ABC .
A. ha:—Z@. B. ha=—\/@. C.ha:—G\/@. D. ha=—3\/@.

13 13 13 13
Cho tam gidc ABC ¢6 AB=9 cm, AC =12 cm va BC =15 cm. Khi d6, duong trung tuyén
AM ctia tam giac ABC c6 do6 dai bang
A. 8 cm. B. 10 cm. C. 9 cm. D. 7,5cm.
Cho tam giac DEF ¢6 DE = DF =10 cm va EF =12 cm. Goi | la trung diém ctia canh EF .

Doan théng DI ¢6 do dai bﬁmg

A. 6,5 cm. B. 7 cm. C. 8cm. D. 4 cm.

Cho tam gidc ABC c6 AB=8 cm, AC =18 cm va c6 dién tich be\“mg 64 cm?2. Gia tri sin A
béng

A.ﬁ. B.§. C.i. D.g.
2 8 5 9
. L , . .. ~ AB
Cho tam giac ABC c0 cac goc A=105°, B=45°. Tinh ti sO A
A.ﬂ. B. 2. C.Q. D.@.
2 2 3
Cho tam giac ABC c¢6 AB =5, AC =8, A=60°.Tinh d6 dai canh BC.
A.129. B.7. C.49. D..\/69 .
Tinh dién tich tam giac c6 ba canh lan luot la \/é , \/E va l.
A.ﬁ. B. /3. C.ﬁ. D.Q.
2 2 2
Cho tam giac ABC noi tiép duong tron ban kinh R, AB=R, AC = R+/3. Tinh goc A, biét B
la goc tu.
A. 30°. B. 45°, C. 60°. D. 90°.
Tam gidc ABC c6 a=14, b=18, ¢ =20. Khang dinh nao sau day ding?
A.B =~ 42°50". B.B ~ 60°56". C.B ~119°04". D.B ~90°.
Cho tam giac ABC ¢6 AB=4 cm,BC =7 cm, CA=9 cm. Gid tri cos A bz‘?mg
NS B. . c.-2. D. 1.
3 3 3 2

Cho tam gidc ABC c6 AB=4, AC=5,BC =6.Tinh COS(B+C).
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A. l B. —1. C. -0,125. D. 0,75.
8 4
Cau 36: Tinh ban kinh duong tron ndi ti€p tam giac co ba canh Tan luot 1a 5, 12, 13.
A. V2. B. 2. C. 242. D. /3.
Cau 37: Cho tam gidc ABC c6 BC =10, A=30°. Ban kinh duong tron ngoai tiép tam giac ABC bf?mg
10
A.5. B. 10. C.—. D. .
7 103
Cau 38: Tinh dién tich tam gidc cd ba canh lan lwgtla 5, 12, 13.
A. 60. B. 30. C. 34. D. 74/5.
Céu 39: Cho tam gidc ABC c6 B=60°, C=45°, AB=5. Tinh d6 dai canh AC.
A.53. B. 542. c.#. D. 10.
Cau 40: Tam giac déu noi ti€p duong tron ban kinh R =4 cm thi ¢é dién tich béng
A.13 cm?. B.132 cm?. C.12+/3 cm?. D.15 cm?®.
Cau 41: Cho hinh binh hanh ABCD ¢6 AB=a, BC =ay2 va BAD =45°. Tinh dién tich hinh binh hanh
ABCD.
A.24°. B.a\2. C.a%. D.a\3.

Cau 42: Cho hinh binh hanh ¢ mét canh la 5 hai duong chéo 1a 6 va8. Tinh d¢ dai canh ké véi canh
c6 d6 dai bang 5.

A. 3. B. 1. C. 5V6. D.5.

Cau 43: Cho hinh binh hanh c6 hai canh 1a 5va 9, mot duong chéo bangll. Tim do dai duong chéo
con lai.
A.9,5. B. 4/6. C. V1. D. 3:10.

Céu 44: Cho tam giac ABC vuodng tai A c6 AB=6 cm, BC =10 cm. Tinh ban kinh dwong tron noi
tiép tam giac do.

A.1cm. B. \/2 cm. C.2 cm. D. 3 cm.
Cau 45: Tinh dién tich tam giac ABC biét A=60°, b=10, c=20.
A. 50+3. B. 50. C. 50V/2. D. 50:/5.
Cau 46: Cho tam gidc ABC c6 AB =5, AC =9 va duong trung tuyén AM =6. Tinh d¢ dai canh BC.
A 2V17. B. J17. C. V129, D. 22.
Cau 47: Cho tam gidc ABC c6 cac goc A =75°B=45°. Tinh ti s6 j—g .
A.?. B. 6. c.?. D. 12.
Cau 48: Cho tam gidc ABC vuodng taiA, AC=b,AB=c. Ldy diém M trén canh BC sao cho goc
BAM =30°. Tinh ti s 200
MC
N B 3¢ c. e p. 2=¢
3c 3b b b+c

Cau 49: Trong tam gidc ABC, néu 2h, =h, +h, thi dang thtic nao sau day dung?
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Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

A. _2 = _1 + _1 . B. 2sinA=sinB+sinC.
sinA sinB sinC
. . . 2 1 1
C.sinA=2sinB+2sinC. D. — = .
sinA sinB sinC
Cho tam gidc ABC. Khang dinh nao sau day dtng?
A. m§+m§+m§:g(a2+b2+cz). B. m§+m§+mf:£(a2+b2+cz).
3 3
C mj+m§+mf:§(a2+b2+c2). D. m§+m§+mf=1(a2+b2+c2).
’ 4 3
Xét tam giac ABC , khang dinh nao sau day dung?
A. ma:%. B. ma>b—"2LC. C.ma<¥. D. m,=b+c.

Trong tam giac ABC, diéu kién d€ hai trung tuyén ké tir A va B vudng gdc véi nhau la
A.2a*+2b*=5¢*.  B.3a’+3b*=5c*. C.2a°+2b’=3c’>. D.a’+b®=5c".

Cho tam giac ABC c¢6 ba goc nhon, BC=a, AC=b, AB=c va dién tich la S. Tong
cot A+cot B +cotC bang
2(a? +b? +¢c? 2 2, a2 2 2, a2 2 2, 2
( ) g @b dabied bt
S S 2S 4S
Xét tam giac ABC, néu c¢6 a’ =b.c thi dang thiic nao dudi day dung?
A1 1 ppee. ciol,l p 12,2
h: h h h: h h h: h h

Tinh ban kinh dwong tron ngoai ti€p tam giac ABC biét AB=c va COS( A+ B) = %

A @ 3c/2 9c/2 3c

. B. . C. . D. —.
2 8 8 2
Cho tam giac ABC vudng can tai A va ndi tiép trong duong tron tam O ban kinh R . Goi r

la ban kinh duong tron noi ti€p tam giac ABC . Khi do, ti s6 R bang
r

A 1442 B. 2+2‘5. C_sz—l_ D. 1+2‘5.

Cho tam gidc ABC vudng can tai A c6 AB = AC =30 cm. Hai duong trung tuyén BF va CE

cat nhau tai G . Dién tich tam giac GFC bang

A. 50 cm?. B. 50v/2 cm2. C.75 cm? D. 151105 cm.

Cho tam gidc ABC c6 dién tich S. Néu tang dd dai mdi canh BC va AC 1én hai lan dong

thoi gitt nguyén d6 16n ctia géc C thi dién tich ctia tam gidc méi dwoc tao nén bang

A. 2S. B. 3S. C. 4S. D.5S.

Cho hinh vuéng ABCD c6 canh bang a. Goi E la trung diém canh BC, F la trung diém

canh AE . Tinh d6 dai doan thang DF .

A VI3 B. &5 c a3, D. %2,
4 4 2 4

Cho tam gidc ABC c6 B+C =135° va BC =a. Tinh ban kinh dwong tron ngoai ti€p tam giac.
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Cau 61:

Cau 62:

Cau 63:

Cau 64:

Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

A.ﬂ. B. av/2. c.ﬂ. D. a\3.

2 2
Cho tam giac ABC c6 AB=9, BC =10,CA=11. Goi M la trung diém BC va N la trung
diém AM . Tinh d6 dai BN .
A.6. B. 4/2. C.5. D. V34.
Cho tam giac ABC ¢6 AB=5, BC=8,CA=6. Goi G la trong tam tam gidc ABC. D¢ dai
doan thing CG bang

A7 B, V7 ¢ 57 p. 3.

2 3 6 3
Cho tam giac ABC c6 AB=2 cm, AC =1 cm, A=60°. Tinh d¢ dai canh BC.
A.1cm. B. 2 cm. C. /3 om. D. .5 cm.

Cho tam giac c6 ba canh lan lugtla 5, 6, 7. Tinh d¢ dai duong cao ting vdi canh c6 do dai
béng 6.

A. 6. B. 2./6. C.5. D.%.
Cho tam giac c¢é ba canh Ian lwot la 5,12,13. Tinh d dai duong cao ing véi canh 16n nhat.
A.6—O. B.@. C.@. D. 12.

13 13 13

Cho tam giac ABC c6BC =12,CA=9,AB=6. Trén canh BC ldy diéfm M sao choBM =4.
Tinh d dai doan thang AM.

A. 2.5. B. 3.2. C. \J20. D. \19.

Cho tam giac can ABC c6 A=120° va AB=AC =a. Lay diém M trén canh BC sao cho

BM =%.Tinh do dai AM.
A 2V3 g 12 c a7 p. a6
3 5 5 4

Cho tam gidc ABC ¢ céc canh &, b, ¢ thoa man diéu kién (a+ b+ c)(a+ b —C) =3ab. Tinh s0
do ctia géc C.
A.120°. B.30°. C.45°, D.60°.

(u+b—c)(a—b+c)

Cho tam gidc ABC c6 S= . Khéng dinh nao sau day dung?

A. Tam gidc ABC vudng tai A. B. Tam gidc ABC vudng tai B.

C. Tam giac ABC tu. D. Tam giac ABC nhon.

Cho tam gidc ABC thda man sin A= sinBrsinC Khang dinh nao sau day dung?
cos B+ cosC

A. Tam gidc ABC can. B. Tam gidc ABC déu.

C. Tam gidc ABC vuong. D. Tam giac ABC c6 goc A =60°.

Mot tam gidc c6 do dai cac canhla 1, m,2 véi meZ. Gia tri cia mla

A. 1. B. 2. C. 3. D. 4.

Cho tam giac ABC c6AB=7,AC =5 va COS(B+C) = —%. Tinh d0 dai canh BC.
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A. 2\15. B. 4./22. C. 4\15. D. 2./22.
Cau 73: Tam gidac ABC c6 COS(A+ B) = —é , AC =4, BC =5.Tinh canh AB.
A. J46. B. 11. C.5(2. D. 6.
Cau 74: Tinh ban kinh duong tron ngoai ti€p tam gidc ABC biét AB =12 va cot(A+B) = % .
A. 2410. B.@. C. 5410. D. 3./2.
Cau 75: Tinh ban kinh duong tron ngoai ti€p tam gidc ABC biét AB =10 va tan(A+B) = % .
A.@. B.%. C.@. D. 5J10.
Ciu 76: Tim chu vi tam giac ABC, biét réng AB=6 va2sin A=3sinB=4sinC.
A. 26. B. 13. C. 526. D. 104/6.
Cau 77: Cho tam giac ABC c¢6 BC =10 va sin A = SIZB _sin ¢ . Tim chu vi cua tam gidc do.
A.12. B. 36. C. 24. D. 22.

a+b b+c a+c

Ciu 78: Tam giac ABC c6 cac canh 4, b, ¢ thdéa man diéu kién = Tinh cos A.

5
A -1 B. L. c -1 D. L.
4 3 3 3
Cau 79: Tinh géc C ctia tam giac ABC biét a=b va a(az —c2) = b(b2 —cz).
A. C=150°. B. C =120°. C. C=60°. D. C =30°.

Cau 80: Cho goc xOy = 30°. Goi A va B 1a hai diém di dong lan luot trén Ox va Oy sao cho AB =1.
Do dai 16n nhat ciia doan OB bang
A.15. B. V3. C. 24/2. D. 2.

Ciu 81: Cho gdéc xOy =30°. Goi A va B lahai diém di dong lan luot trén Ox va Oy sao cho AB=2.
Do dai 1én nhat cua doan OB bang
A.2. B. 3. C. 4. D.5.

Cau 82: Hai chiéc tau thuy cling xudt phat tir mot vi tri A, di thang theo hai huéng tao véi nhau goc
60°. Tau B chay véi tdc dd 20 hai li mot gio. Tau C chay véi toc do 15 hai li mét gio.

Sau hai gio, hai tau cach nhau bao nhiéu hai li? Két qua gan nhat véi s6 nao sau day?
A. 61 hai li. B. 36 haili. C. 21 hai li. D. 18 hai li.
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Cau 83: D€ do khoang cach tir mot diém A trén bo song dén goc cay C trén cu lao gitra sdng, nguoi ta
chon mot diém B cung ¢ trén bo v6i A sao cho tit A va B c6 thé nhin thdy diém C . Ta do duoc
khoang cach AB=40m, CAB=45" va CBA=70° (tham khao hinh v€)

Vay sau khi do dac va tinh toan dugc khoang cach AC gan nhat véi gia tri nao sau day?
A.53m. B.30m. C. 41,5m. D. 41m.

Cau 84: Tuvitri A ngroi ta quan sat mot cay cao (hinh vé).
c

Biét AH =4m, HB=20m, BAC =45°.
Chiéu cao ctia cay gan nhat véi gia tri nao sau day?
A. 17,5m. B. 17m. C. 16,5m. D. 16m.

Cau 85: Gia st CD=h la chiéu cao cta thap trong d6 C la chan thdp. Chon hai diém A, B trén mat
dat sao cho ba diém A, B va C th:fmg hang. Ta do dwoc AB=24 m, CAD=63°, CBD =48°
(tham khao hinh vé)

Chiéu cao h cta thap gan vdi gia tri nao sau day?
A. 18m. B. 18,5m. C. 60m. D. 61,4m.

Cau 86: Trén néc mot toa nha cd mot cdt ang-ten cao 5 m. Tie vi tri quan sat A cao 7 m so voi mat
dat, c6 thé nhin thdy dinh B va chan C cua cdt dng-ten dudi goc 50° va 40° so véi phuwong
nam ngang (tham khao hinh vé&)
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Cau 87:

Cau 88:

Chiéu cao ctia toa nha gan nhat véi gia tri nao sau day?

A. 12m. B. 19m. C. 24m. D. 29m.

Xac dinh chiéu cao cua moét thap ma khong can 1én dinh cua thap. Ddt ké giac théng ding
cach chan thap mot khoang CD =60m, gia st chiéu cao ctua giac k€ 1a OC =1m. Quay thanh
giac k& sao cho khi ngam theo thanh ta nhinh thdy dinh A cta thép. Doc trén gidc ké s&

do ctia gobc AOB=60° (tham khao hinh v¢€)

Im

60m C

Chiéu cao ctia ngon thap gan voi gia tri nao sau day?

A. 40m. B. 114m. C. 105m. D. 110m.

Mot tho 18n ¢d vi tri cich mit nude 8m, mdt con tau ddm & goc 70°. Sau khi cuing xudng t6i
mot diém cao hon 14m so v6i day dai duwong, tho 1an nhin thay con tau ddm & goc 57°. Chiéu
sau ctia con tau dam gan gid tri nao nhat?

8 m

v
C

A. 24,979 m. B. 32,964 m. C. 32,979 m. D. 33,25 m.
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Cau 89: Dau cua cac tong thong ¢ Mount Rushmore cao 18 mét. Mot du khach nhin thdy dinh dau
ctia George Washington ¢ goc cao 48° va cam ctia 6ng & goc cao 44,76°. Chiéu cao ctia mui
Rushmore gan gia tri nao nhat?

D
i 18m
C
x
48
4,
i B
A. 182,753 m. B. 99,649 m. C.99,9 m. D. 168,055 m.

Cau 90: Tir hai vitri A vd B ctia mot tda nha, ngudi ta quan sat dinh C ctia ngon ndi. Biét rang do6
cao AB=70m, phuwong nhin AC tao véi phwong nam ngang géc 30°, phuong nhin BC tao
véi phuong ndm ngang goc 15°30' (tham khao hinh vé)

C

Ngon nti d6 c6 d6 cao so voi mat dat gan nhat voi gia tri nao sau day?
A. 135m. B. 234m. C. 165m. D. 195m.
HET
Hué, 10h58’ ngay 29 thing 8 nim 2022
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Page: CLB GIAO VIEN TRE TP HUE

CHUYEN BE TRAC NGHIEM
Moén: Toan 10

Chuyén dé:

HE THUC LUONG TRONG TAM GIAC

II. BAI TAP TU LUAN

Caul:

Cau 2:

Cho tam gidc ABC c¢6 A=120° va AB=5, AC =8. Tinh d¢ dai canh BC.
Loi giai:

C

Ap dung Dinh li cdsin cho tam gidc ABC, ta c¢:

BC? = AB? + AC?> —2.AB.AC.c0s120° =52 +82 —2.5.8.(%} =129.

Vay BC =+/129 .

Cho tam gidc ABC c6 a=8,b=9,c=6.

a) Tinh s6 do cac goc cta tam giac.

b) Tinh dién tich, ban kinh duwong tron ngoai tiép, ban kinh dwong tron ndi ti€p, do dai cac
duong cao ctia tam gidc.

Loi giai:

b*+c?—a’® 81+36-64 53

a) Ap dung dinh i cosin, ta c6 cos A=

2bc 2.9.6 108
Suy ra A~ 60°36'39".
Hoan toan twong tu, tinh duoc B = 78°35'5", C ~40°48'16" .
b)Do a=8, b=9, ¢ =6 nén tam giac ABC co6 ntra chu vi p:8+2+6 :%.
7 5 11

Suyra p—a=—, p—-b==, p—-c==—.

uyra p > Y > P >
Tt do, theo cong thirc Heron ta dugc dién tich ctia tam giacla S = \/ ?%gl—; = @

/8855

Suy ra ban kinh duong tron ngi ti€p r = S_ 26 va ban kinh duong tron ngoai tiép
p

R abc 432
4S /8855
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Cau3: Cho tam giac ABC c6 A=15°,c=6 va B=120°.
a) Tinh d6 dai cac canh a,b;
b) Tinh ban kinh duong tron ngoai ti€p va dién tich cua tam giac;
¢) Tinh d¢ dai dwong cao h, .
Loi giai:
a) Do A=15°,B=120° nén C =120° - A—B =45°.
Ap dung dinh I sin ta dugc:

cC . 6 o
a=——SINA=— T .sin15 _3(J§—1),

sinC’ sin

sin120° =36

b= _L.sin B=— .
sinC sin 45°
b) Theo dinh li sin, ban kinh dwong tron ngoai tiép ctia tam giac la

c 6 23\/5'

- 2sinC - 2sin45°

Do a=3(\3-1),b=3J6,c=6 va R=3V2 nén 52%23(6;31}23@6:9\6(?—1)'

9V3(+3-1
c) Tt két qua cua phanb), suy ra &, = 2 g =3.3.
1 3(3-1)
Cau4: Cho tam giac ABC c6 a=14, b=18, c=20. Tinh gan dung goc ABC.
Loi giai:

a?+c?—b? 14242018 17
2ac 21420 35
Suy ra: B~60°56".
Cau5:  Giai tam gidc ABC, biét c=14,A =60°,B=40°.
Loi gidgi:
Tacé C =180°—(A+ B) -80°.

Ta cod cosB =

Ap dung Pinh 1 sin, ta co: _a = _b = _14
sin60° sin40° sin80°
sin80° sin80°

Cau6: Cho tam gidc ABC c6 B=60°, C=45°, AB=5. Tinh d0 dai canh AC.
Loi gidgi:

Suy ra a

Ap dung dinh li sin cho tam giac ABC, ta cé: qu = AC = AC= AB" sinB _ 5V6 .
sinC sinB sinC 2
Cau?7: Cho tam giac ABC c¢6 BC =10, A=30°. Tinh ban kinh duong tron ngoai ti€p tam giac ABC.
Loi gidgi:
Goi R la ban kinh dwong tron ngoai ti€p tam giac ABC, ta co:
BC BC 10

=2R=R= =
sin A 2.sinA 2.sin30°
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cho tam giac cd ba canh la 6,10,8 . Tinh ban kinh duong tron noi ti€p tam giac do.
Loi giai:
Goi P»7 Tan luot la nira chu vi va ban kinh dwong tron ndi ti€p tam giac da cho, ta co:

D= 6+8+10 _12.

Dién tich tam giacla S =./p(p-6)(p—8)(p—10) =24 (dvdt).
Suy ra r:E:%:Z
12
Nhan xét: Tam gidc da cho la tam gidc vudng.
Cho tam giac ABC vuodng tai A c6 AB=6 cm, BC =10 cm. Tinh ban kinh dwong tron noi
tiép tam gidc do.
Loi giai:
Ta cé6 AC =+/BC*> - AB* =8(cm).

Dién tich tam gidc ABC 1a:S = % AB.AC = 24(cm?)

6+8+10
2

Ntra chu vi cia tam giacla p = 12

Suy ra: r=§=2—4=2(cm).
p 12
Tinh dién tich S ctia tam gidc ABC c6 c=4,b= 6,A=150°.
Loi giai:
Taco: S= %bcsinA = %.6.4.sin150° =6.

Tinh dién tich tam gidc c6 ba canh lan lwot1a 5, 12, 13.

Loi gidgi:

5+12+13
5 =

Ntra chu vi ctia tam giac la: p= 15

Dién tich ctia tam giac la:
S= \/p( p-5)(p-12)(p-13) = \/15(15—5)(15—12)(15—13) =30.
Cho tam gidc ABC c6 goc B ti, AB=3, AC =4 va c6 dién tich bang 34/3. Tinh s8 do goc

BAC.
Loi giai:

25 23J3 3
ABAC 34 2
Vigdc B tunén A la goc nhon= A=60°.
Tinh dién tich tam giac déu noi ti€p dwong tron ban kinh R =4 cm.
Loi gigi:
Goi a la d¢ dai canh va S la dién tich ctia tam gidc, ta co:

2
S:af=%:>a=R\@=4\/§

Ta co: S :%.AB.AC.sin A=sinA=
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Vay dién tich tam giac da cho la: g _ _ 12\/§(0m2 )

Cho tam gidc ABC c6 AB =1, AC =3, A=60°. Tinh ban kinh dwong tron ngoai tiép AABC.
Loi giai:

Ta cé: BC? = AC?+ AB? —2.AC.AB.cos A=3*+1-2.3.1.c0s60° =7 = BC =+/7

BC __ 7 _Na

(1) 5
4

- ¢ =2R=R=— =—
sin A 2.sinA  2.sin60° 3

Cho tam gidc ABC c¢6 AB =8 cm, AC =18 cm va c6 dién tich bang 64 cm2. Tinh sin A,
Loi giai:

Ta lai co:

Taco: S :EAB.AC.sin A< sin A= 25 :g.

2 AB.AC 9
Cho tam giac ABC c6 AB=9 cm, AC =12 cm va BC =15 cm. Tinh d§ dai duong trung
tuyén AM cuta tam giac ABC.

Loi giai:

AB® + AC* BC? _\/9~’-+122_§_7 :

Cach 1: Tacdo AM =\/ =
2 4

2 4
. A : A BC
Cach 2: Tam giac ABC vuong tai A nén AM = - = 7,5.
Cho tam giac ABC c¢6 AB =5, AC =9 va duong trung tuyén AM = 6. Tinh d6 dai canh BC.
Loi giai:
A

B¢

Z(
(@]

AC®+AB* BC?
2 4

2 2 2 2
:BC2:4[W—AM2J:4[9 ;5 —62)= =68 = BC = 24/17.

Cho tam giac ABC c6 AB=5, BC =8,CA=6.Goi G la trong tam tam gidc. Tinh d6 dai doan
thang CG.
Loi giai:

Ta cé: AM? =
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2 2 2
Goi M la trung diém AB, ta c6 CM 2= CB"+AC” AB = 175.

2 4 4
Suy ra: CG =ECM =E,/@ =ﬂ.
3 3V 4 3
Cau19: Cho tam giac c6 ba canh lan luwot 1a 5, 6, 7. Tinh d¢ dai dwong cao ting véi canh c6 d¢ dai
b.:?mg 6.
Loi giai:
Ntra chu vi ctiia tam giac la: p= 5+g+7 =9.

Dién tich tam giacla: S =,/p(p—5)(p—6)(p-7) =66.
bata=5,b=6,c=7.

25 266, 5

Do dai duong cao ttng vdi canh co do dai b:?mg 6la: h) =

6
A e C o .1 ..~ AB
Cau 20: Cho tam giac ABC co cac goc A=105°, B=45°. Tinh ti s0 A
Loi giai:
Ta cé: ¢ _ AB_c_sinC _sin(180°-105°-45°) 2

= - = = =
sinB sinC AC b sinB sin45° 2
Cau 21: Cho tam giac c6 ba canh lan lwgt la 5,12,13. Tinh d¢ dai dwong cao ting véi canh 16n nhét.

Loi giai:
bat a=5, b=12, ¢=13. Ta co:
Ntra chu vi ctia tam giac la: p= LEJJB =15

Dién tich ctia tam giac la:

S =/p(p-5)(p-12)(p-13) =[15(15-5)(15-12)(15-13) = 30.

Puong cao ting vdi canh 16n nhat la: h, = 25 _230_60 .
c 13 13
Cau 22: Cho tam gidc c6 ba canh Tan lwot 1a 2,3,4 . Géc bé nhét ctia tam giac cé sin bang bao nhiéu?
Loi gidgi:
Goc bé nhét img v6i canh ¢6 s6 do bé nhat.
2 2 2
Giaswt a=2,b=3c=4.Taco cosA:bH:—_a:Z.
2bc 8
2
Do do sin A = 1_(Zj =@.
8 8
Cau 23: Cho tam gidc ABC c6AB =3, AC =4 va tan A =2+2 . Tinh d¢ dai canh BC.

Loi gidgi:
Tte gia thiét tan A = 2250, ta suy ra A la géoc nhon

tan A=2v/2 = cos® A= 12 S 5
l1+tan” A 1+(2\/§)

=l:>cosA:1
3
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Suy ra: BC =+/AB? + AC? —2AB.AC.cos A = \/32 /. 2.3.4.% -17.
Cho tam giac ABC vuodng can tai A. Goi r,R Ian luot la ban kinh duong tron ndi tiép, ngoai

, . o~ R
tiép tam gidc ABC . Tinh tisd —.
r
Loi gigi:

a2

Gia st AB:AC:a:BC:aﬁ:R:T.

2
AB.AC ©2a+a\/§r=a—<:>r=i. Suy ra B=1+\/§.
r

2 2 2 242

Cho tam gidc ABC c6 cac canh @, b, ¢ thoa man (a+b+c)(a+b—c)=3ab. Tinh s§ do cia goc
C.

Loi giai:

Trong tam gidc ABC ta ludn c6: ¢ = a® +b? —2ab.cosC .

Hé thiee (a+b+c)(a+b—c):3ab<:>(a+b)2 —c*=3ab < c?=a’+b’*—ab

Mat khac S=pr=

Suy ra: —2.cosC=—1:>cosC=%:>C=60°.

Tinh géc C ctia tam gidc ABC biét a#b va a(a’—c?)=b(b*-c?).
Loi giai:

Ta cé: a(a’ —c*)=b(b?-c?) < a’ b’ ~c*(a-b)=0

< (a—b)(a*+ab+b?)-c?(a-b)=0

a’+b?-c? 1

o a’+ab+b*-c®=0=cosC=———"=-=.Dodé: C=120°.
2ab 2

o . . sinA _sinB _sinC ., . i a2
Cho tam giac ABC c¢6 BC=10 va s T4 3 Tinh chu vi ctia tam giac do.
Loi giai:
Do sinA_sinB _sinC nén E=E=£:b=8;c=6 (do a=BC=10).

5 4 3 5 4 3

Chu vi tam giac ABC bang 24.
Cho tam giac ABC c6 cac géc thdéa man sind_sinB_sinC . Tinh s6 do cac goc ctia tam giac.

>
Loi gidi:

Ap dung dinh i sin, ta c6 a:bic=1:2:43.

Péap s6: A=30°, B=90°, C=60°.

Cho tam gidc ABC c6 AB=7,AC =5 va COS(B+C):—%. Tinh d6 dai canh BC.
Loi gidi:

Vi trong tam gidc ABC taco B+C bu vdi goc A nén COS(B+C):—% :>COSA=%
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Ltc dé: BC =+/AB? + AC? —2AB.AC.COSA = \/72 452 2.7.5.% —2./15.

Cau 30: Cho tam giac ABC, cac duong cao h,, h,h thoa man 3h, =2h +h. Ching minh rang:

3_2.1

a b ¢

Loi giai:

KihiéuS:SAABC.TaCé:3ha:2hb+hc<:>ﬁ=&+§c>§:z+l.
a b c a b c

Cau 31: Cho tam gidc ABC . Chting minh rang:

2 2 2
a) mizb e, b) 1.1 1
2 4 h, h T
Loi giai:

a) Goi M la trung di€ém ctia BC . Khi d6 m, = AM .
Co hai treong hop sau xay ra:
Trwong hgp 1. b =c. Trong treong hop nay AM ciing chinh la duong cao ké tit A ctia tam

y Cm? - AC?_cMZopz & Dt @
giac. Dodé m; = AC°-CM*° =b" ——= -—
4 2 4
Truong hop 2. b # ¢. Khong mat tinh tong quat, xét truong hop b <c (H.3.2), truong hop con
lai chitng minh tuong tu.
Goi D la chan duong caoké tit A. Do b<¢ nén D thudctia MC .

A

B M D C
Ap dung dinh li Pythagore trong tam gidc ADB, ta co:
AB? = BD? + AD? =(BM +MD)’ + AD? = BM? + 2BM.MD + MD” + AD’.
Suy ra AB*=BM?+2BM.MD+AM? (1).
Mot cach tuong ty, ap dung dinh i Pythagore trong tam giac ADC, cling duoc
AC? = AD? +(MC ~ MD)’ = MC? ~2MC.MD + AM? (2).
Tt (1) va (2) suy ra:
AB’ + AC* =(BM?+CM?)+2(BM.MD —CM.MD)+2AM’ = (BM? +CM? )+ 2AM”.
b*>+c* a’

Hay m? = )
y e 2 4

b)Tt‘rcéngtht’rctinhdiéntl’chtamgiéctasuyra1:£:i+£+izi+i+i.
r- S 25 25 25 h, h, h

a C
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Cau 32: Cho tam giac ABC c6 cac goc thoa man sinC = 2.sin B.cos A. Chting minh rang tam giac
ABC [a mot tam gidc can.
Loi gidgi:
Ap dung dinh ly sin va cdsin, ta co:
- : b® +c* —a’
sinC =2.sinB.cosA < c=2bCcosA < c= 2b.T =

=b*+c’-a* o a=h.
Vay tam giac ABC cantai C.

Cau 33: Cho tam giac ABC . Chttng minh rang:

a’+b’+c?

a) cot A+cotB+cotC =
4S

3
b) m? +m? +m? :Z(a2 +b” +¢?).
Loi gidgi:
a) Tte dinh li cosin va cong thitc tinh dién tich tam gidc, suy ra:

cot A COSA _ b*+c?-a® b’+c’-a’
sinA 2bcsinA 4s
2 2 K2 2 2 A2
Twong tu cling c6 cotB =u, cotC =m.
4S 4S
2 2 2
T d6 cotA+cotB+cotC:$.

b) Ap dung cong thtrc tinh d6 dai trung tuyén.
Cau 34: Cho tam gidc ABC c¢ hai trung tuyén ké tir A va B vuong géc. Chitng minh rang:
a) a® +b® =5¢%. b) cotC =2(cot A+cotB).

Loi giai:

a) Goi M, N theo tht ty 1a trung diém cua cac canh BC, CA; goi G la trong tam tam giac

ABC (Hinh v&). Khi d6 AG=§AM, BG:%BN.

Ttr d6 theo dinh li Pythagore ta co:
2 2 2 2 2 2 2 2
02=ABZ=AGZ+BGZ:ﬂ{b e _a_jﬁ(c a _b_jzﬂ(cqa +b J

ol "2 4)9l 2 4) 09 4
Suy ra 5¢* =a’ +b’.
b) Do a®+b? = 5¢° nén cotC =22 ¢ _C
43S S
b2+c2—a2+c2+a2—b2]
4S 4S
Suy ra cotC =2(cot A+cotB).

Ma 2(cot A+cotB)= 2(

n| 9
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Cau 35:

Cau 36:

Cau 37:

Cho tam gidc ABC c6 S =2R?sin Asin B. Chiing minh rang tam gidc ABC la mot tam giac
vuong.
Loi giai:
Tt dinh i sin va cdng thiec tinh dién tich, suy ra dién tich ctia tam gidc bang
g _abc _ (2Rsin A)(2RsinB)(2RsinC) _oR%sin Asin BSINC..
4R 4R
Ttr d6, do S =2R?sin AsinB, suy ra sinC =1 va do d6 C =90°.
Suy ra diéu phai chitng minh.
Cho tam gidc ABC vuodng can tai A c6 AB = AC =30 cm. Hai duong trung tuyén BF va CE

catnhau tai G . Tinh dién tich tam giac GFC.
Loi giai:

} c

A F

N&i AG cat BC tai H ta cd: S, =%SAAGC =%SAAHC =%SAABC.

Ma S, s :%.30.30 =450 cm® nén S, =%.450= 75¢cm?.

Cho hinh binh hanh ¢6 hai canh 1a 5va 9, mdt duwong chéo bangll. Tim dod dai duong chéo
con lai.

Loi gidgi:

11

D 9 C
Goi hinh binh hanh 1a ABCD, AD =5, AB=9.
Goi a la gbc d6i dién véi duong chéo c¢d do dai 11.
2 2112
Ta cé: cosa:u:—l = a lagéctu=a=BAD = BD =11
2.5.9 6
= AC? = AD? + DC?-2.AD.DC.cos ADC = AD? + DC? +2.AD.DC.cos BAD

(vi BAD va ADC bu nhau=> cos ADC =—-cosBAD)
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— AC2 = 52+92+259(—gj 91— AC =+/91.

Cau 38: Cho hinh binh hanh ABCD ¢6 AB=a, BC=a+2 va BAD =45°. Tinh dién tich hinh binh

hanh ABCD.
Loi giai:
B af C
a
A H D
Goi BH la duong cao ctua hinh binh hanh ABCD.
Tam gidc BHA vudng tai H, géc BAH = BAC =45°, BH = AB.sin45° = % :
e s s \ a\/_
Dién tich hinh binh hanh ABCD la: S=BH.AD=——.a

Cau39: Cho tam gidc ABC vudng tai A c6 AB=AC=a. Difm M nam trén canh BCsao cho

BM = % Tinh d6 dai doan thang AM.

Loi giai:

B

Ta cé: BC=vAB?+ AC? =Ja® +a =a\2; BC= ABJ2 =a\2 :BMz%

w2 2 _af5

:>AM=\/AB2 + BM?* -2 AB.BM.cos45° —\/az +(—] -20———=—".

3 2 3

Cau 40: Cho hinh vuéng ABCD c6 canh bang a. Goi E la trung diém canh BC, F la trung diém
canh AE . Tinh d6 dai doan thang DF .
Loi gidi:
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Cau 41:

Cau 42:

Cau 43:

A B
E
D C

2
Ta cé: AE = DE = /a%(gj :%

Dung cong thirc do dai trung tuyén:

, 5a’
., _DA"+DE* AE* &7 4 5a2:13a2:>D|::@.

DF - 4
2 4 2 16 16
Cho tam giac ABC ndi tiép duong tron ban kinh R, AB=R, AC = R+/2. Tinh goc A biét A
la goc tu.
Loi giai:
Goc A tu, suy ra B, C déu la goc nhon.
., AB R . 1 .
Ta co: — =2R< ——=2R < sinC === C =30° (vi C nhon)
sinC sinC 2

Twong tu: A—C=2Rc>l:\?—\/§:2R<:>sinB=£: B =45° (do B nhon).

sinB sinB 2

Suy ra: A=180°—(30°+45°)=105°.

Cho tam gidc vuong, trong d6 c6 mot goc bang trung binh cong ctia hai géc con lai. Canh 16n
nhat ctia tam gidc d6 bang a. Tinh dién tich tam giac da cho.

Loi gidgi:

Goi tam giac thoa dé la ABC (véi A>B>C ).

Dé cho tam giac vudng nén ta suy ra A=90°.

Ta c6: A+B+C =180° ma theo dé: A+C =2B, Suy ra B =60°.

Ta tinh: AB = BC.cos60° = %

2
Dién tich tam giac: S = % AB.BC.sinB =2 E;/é
Cho tam giac AABC vuodng can tai A va diém M trong tam giac sao cho MA=1, MB=2,

MC =+/2 . Tinh géc AMC .
Loi gidgi:
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B C
Ap dung dinh ly cosin trong tam giac ta c6:
AB? = AM? + BM* -2 AM.BM.cos AMB AB? =5-4.cos AMB
BC? = BM? + CM? —2BM.CM.cosBMC <> {2AB* =6 —4+/2.cos BMC
AC?* =CM?* + AM? —2CM.AM.cosCMA AB? =3-242.cosCMA

AB*=5-4.cos AMB
& 12AB? =6—-42.cos BMC <

{1—2.cosAMB ++/2.cosCMA =0
AB? =3-24/2.cos CMA

cosCMA =cos BMC

Ciau 44: Cho gdéc xOy =30°. Goi A va B la hai diém di dong lan luot trén Ox va Oy sao cho AB=2.
Tinh d0 dai 16n nhat cia doan OB.
Loi giai:
bit OA=x, OB=y (x,y>0)
Ap dung cong thikc dinh 1y ham s8 cosin cho ta giac OAB ta co:
X2 +y? —2xyc0s30° =22 > x* + y2 —/3xy —4=0 (*)
Tim diéu kién d€ ton tai X, ta coi phuong trinh trén la phwong trinh an X, tham sé vy .
2
Khi d6, phuong trinh (*) 6 nghiém < A >0 (V3y) —4(y*—4)20<-4<y<a4.
Do d6 maxy =4.
Cau 45: DE do chiéu cao ctia mot toa nha, ngudi ta chon hai diém A va B thang hang véi chan C caa
toa nha, cdch nhau 15m. St dung giac k€, tt A va B twong ting nhin thdy dinh D cua toa
nha dwdi cac goc 35° va 40° so véi phuong nam ngang.

€3 (40"
AlsSm A C
haa

Hoi chiéu cao ctia toa nha do duoc 1a bao nhiéu mét?
Loi gidgi:
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Cau 46:

Nt A
AlSm h C
33

Do CBD =40°, BAD =35° nén ABD =40°-35°=5° (H.3.3). Ap dung dinh li sin cho tam giac
AB 15

ABD ta dugc BD=——.S5in A=— .sin35°.
sinD sin5°
Tit &6 suy ra chiéu cao ctia toa nha bang
h=CD =BD.sinCBD = _155 .sin35° ~ 63,45(m)
sin5°

Mot tau ca xudt phat tie dao A, chay 50km theo huéng N24°E dén dao B dé 14y thém ngu
cy, roi chuyén huéng N36°W chay ti€p 130 km dén ngu truong C .

C

NIEW L N24CE

a) Tinh khoang cach ttr vi tri xudt phat A dén C (lam tron dén hang don vi theo don vi do
Kilomét).

b) Tim hudéng tt A dén C (lam tron dén hang don vi, theo don vi d9).

Loi giai:

a) T gia thiét suy ra ABC = (90° — 24°) + (90° — 36°) =120° (H.3.7).

Ap dung dinh i cosin cho tam gidc ABC, ta duwoc:

AC? = AB” + BC? -~ 2AB.BC.cos ABC =2500+16900— 2.50.130.(—%) =25900.

Suy ra AC =10+/259 =161(km).
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Cau 47:

N
N36* W N24°E
130 km

w: E

Hinh 3.7
b) Ap dung dinh li sin cho tam giac ABC ta duoc sin CAB = i—g.sin ABC =~ 0,6993.

Suy ra CAB ~ 44° va do d6 AC chéch vé hudng tay mot goc 44° —24° = 20° so véi phuong
bac.

Vay hudng tir A t6i C 1a N20°W .

Mot tau du lich xudt phat tir bai bién D6 Son (Hai Phong), chay theo huéng N80°E véi van
toc 20 km/h. Sau khi di duoc 30 phut, tau chuyén sang huéng E20°S gitt nguyén van t6c va
chay tiép 36 phut nita dén dao Cat Ba.

N
N80° E
w E
E20° S
S
Hoi khi d6 tau du lich cach vi tri xudt phat bao nhiéu kilomet?

Loi gidgi:
Coi diém xuat phatla A, diém tau chuyén hudng la B va dich dénla C (H3.8).
Theo gia thiét ABC =180°— (10°+ 20°) = 150°

N
N80° E
W E
E20° S
S
Hinh 3.8
Do tau chay tir A téi B véi van toc 20km/h trong 30 phut, nén AB = 20.% =10(km).

Do tau chay tit B dén C vdi van téc 20km/h trong 36 phut, nén BC = 20.% =12(km).

Ap dung dinh Ii cosin cho tam gidc ABC, ta dugc:
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B3

AC? = AB” + BC? - 2.AB.BC.cos ABC =10* +12* —2.10.12.{—7J ~452.

Suy ra AC ~+/452 ~21(km).

Cau 48: Mot cay c6 thu moc thang ding bén [é mot con ddc cd d&6 ddc 10° so véi phrong nam ngang,.
Tt mot diém dudi chan ddc, cach goc cdy 31m nguoi ta nhin dinh ngon cay dudi mot goc
40° so v6i phurong nam ngang.

€

Hay tinh chiéu cao cta cay.
Loi giai:
Ap dung dinh li sin cho tam gidc ABC (H.3.9).

Hinh 3.9

Dap s6: Chiéu cao cua cay la h~ 20,23(m).

Cau 49: Trong khi khai quat mot ngdi md cd, cac nha khao cd hoc da tim duoc mét chiéc dia ¢ hinh
tron bi v3, cdc nha khao c6 mudn khoi phuc lai hinh dang chiéc dia nay. D€ xac dinh ban kinh
cua chiéc dia, cac nha khao c6 1ay 3 diém trén chiéc dia va tién hanh do dac thu duoc két qua
nhw hinh vé (AB =4,3cm; BC =3,7 cm; CA=7,5 cm).
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Cau 50:

Tinh gan dung ban kinh cua chiéc dia nay.

Loi gidgi:

Ban kinh R ctia chiéc dia bang ban kinh duong tron ngoai tiép tam gidc ABC .
AB + BC+CA= 4,3+3,7+7,5 =ﬂ'cm

Ntta chu vi ctia tam giac ABC la: p=

2 2 4
Dién tich tam gidc ABC la: S =,/p(p—AB)(p-BC)(p-CA)~5,2cm2.
M S - AB.E;:.CA _ R_ABBCCA ...

Gia sit CD = h la chiéu cao cua thap trong d6 C la chan thap. Chon hai diém A, B trén mat dat
sao cho ba diém A, B, C théng hang. Ta do dwoc AB =24m, CAD =63°; CBD =48°.

Tinh gan dung chiéu cao & cuia khoi thap.
Loi giai:
Ta c6 CAD =63°= BAD =117°= ADB =180°—(117°+48°) =15°

Ap dung dinh ly sin trong tam gidc ABD ta co: AB___BD =BD= ABsinBAD

sinADB sinBAD sin ADB

Tam gidc BCD vuodng tai C nén co: sinCBD = % = CD =BD.sinCBD

AB.sinBAD.sinCBD _ 24.sin117°.sin48°

Vay CD = ——
sin ADB sin15

~61,4m.

III. BAI TAP TRAC NGHIEM

Cau1:

Cho tam giac ABC, khang dinh nao sau day dung?

A.a’> =b%+c?+2bc.cos A. B.a? =b?+c?—2bc.cosA.
C.a’ =b%*+c?+bc.cosA. D.a?=b?+c*—bc.cos A.
Loi giai:
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Ap dung dinh 1i ham s8 cos tai dinh A ta cé: a® =b® +c® —2bc.cos A.

= Chon dap an B.
Cau 2: Xéttam giac ABC tuyy ¢d BC =a,AC =b, AB=c. Ménh dé nao dudi day dung?

A. cosB=—a2 e = . B. cosBz—a2 el . C cosBz—a2 rel b . D. CosBz—a2 el b

2ac - 2ac ac 4

Cau3: Cho tam giac ABCco A=120°. Pang thitc nao sau day dung?

A. a*=b*+c*—3pc. B. a’ =b*+c* +bc.

C. a*=b’+c’+3bc. D. a®=b’+c’-bc.

Loi giai:

Ap dung dinh li ham s8 cos tai dinh A ta cé: a® =b® +c® —2bc.cos A.
= a’ =b”+c’ —2bc.cos120° = a* =b* +c* +bc.
= Chon dap dn B.
Cau4: Cho tam giac ABC c6 BC =a; AB=c; AC =b va cd Rla ban kinh duong tron ngoai tiép.
He thttc nao sau day la sai?

A. _i=2R. B. sinA:i. C. b.sinB=2R. D. sinC=C'SmA.
sin A 2R a
Loi giai:
b c

Theo dinh ly sin trong tam gidc — =— =— =
sinA sinB sinC
Nén ta suy ra dap an sai la b.sin B =2R.
= Chon dap dn C.
Cau5: Xét tam gidc ABC, hé thitc nao sau day sai?
A. a:b._smA. B. sinC:C'SmA.
sinB

Loi gidgi:

C. a=2RsinA. D. b=R.tanB.

sin A sinB sinC

Theo dinh li ham s0 sin ta co:

Suy ra:
a b b.sin A
_—:_—:>a: N .
sin A sinB sinB
a C . c.sin A
+ ——=——=sinC= .
sinA sinC a
+ -2 _2R=a=2RsinA.
sin A
b

:2R:>9:RsinB:> =RtanB.

sinB 2 2cosB
= Chon dap dn D.
Cau 6: Cho tam gidc ABC c6 AB=c, AC =b. Dién tich ctia tam gidc ABC bang

+

A. bccos A, B. bcsin A C. %bc cos A. D. %bcsin A
Cau7: Néu tam giac ABC c6 a* <b®+c? thi:

A. A la goc nhon. B. A la goc tu.

C. A la géc vudng. D. A la goc nho nhat.
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Loi gidi:
. b’+c’-a® ., ., .
Ta co: COSAzz—bc. Via <b®+c“=cosA>0.Dodd A nhon.
= Chon dap an A.
Cau8: Cho tam gidc ABC c6 BC =a, CA=b, AB =c. Ménh dé nao sau day la dang?
A.Néu b*+c?—a’ >0 thi géc A nhon. B. Néu b*+c?—a’ >0 thigéc A tu.
C. Néu b? +c?—a® <0 thi géc A nhon. D. Néu b? +¢? —a* <0 thi géc A vudng.
Loi giai:

Ap dung dinh 1i ¢6 sin ta cé:a® =b* +c* — 2bc cos A < 2bccos A=hb? +¢* —a’.
Suy ra: Néu b*+c’-a’*>0=cosA>0 nén A nhon.
= Chon dap an A.
Cau9: Ménh dé nao sau day sai?
A.Néu a’ >Db”+c’ thi A Ia goc tu.
B. Néu tam gidc ABC c6 mdt gdc tu thi a® > b’ +c?.
C.Néu a’ <b®+c’ thi A 1a géc nhon.
D. Néu a’ =b? +c? thi A 1a géc vuong.

Loi giai:
2, .2 2
Ta co: COSA=b+C—a.
2bc
Do do:

* @’ >Db’ +c? thi cosA<0do dd A 1a goc tinén A. ding.
* a® <b®+c? thi cosA>0do dé A 1a géc nhon nén C. dling.
*a®=b’+c*thi cosA=0 do dé A la géc vudng nén D. ding.
* Néu tam giac ABC c6 goc B tu thi b® > a’ +¢?; néu goc C tu thi ¢ > a” +b*do d6 B. sai.

= Chon dap dn B.

Cau10: Cho tam giac ABC théa man a* =b* +¢*. Khiang dinh nao sau day ding?
A. Tam giac ABC vudng tai A. B. Tam giac ABC vudng tai B.
C. Tam giac ABC tu. D. Tam giac ABC nhon.
Loi giai:

Do a* =b" +¢* nén a 1a canh 16n nhat, A 1a goc 16n nhat cua tam giac ABC.
2
Ta co: (b2+cz) >b* +¢* (do 2b*c* >0)
2 2
Licdé: (b*+¢?) >b*+c* =a* < (b°+¢*) —a' >0 (b* +c”—a’)(b* +c” +a°) >0
<b*+c*-a®>0=>cosA>0= A<90°

= Chon dap dn D.
Cau 11: Cho tam giac ABC, cac duwong cao h,, h, h, thoéa man hé thic 3h, =2h +h . Tim hé thtec gitra

a, b c.
A.Ezg—l. B. 3a=2b+c. C.3a=2b-c. D.§=z+1.
a b c a b c
Loi gidgi:
KihiéuS:SAABC.Tacé:3ha:2hb+hcc>ﬁ=&+§<:>§=g+l.
a b c a b c
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= Chon ddp dn D.
Cau12: Trung tuyén AM ctia tam gidc ABC c6 do dai bang

A. Jb*+c*-a’. B. %\/2b2+2c2—a2 L C.+3a7-202-2¢% . D.+2b%+2c?—a%.

Loi giai:

2(b2+c2)—a2

Theo cong thirc tinh d§ dai dwong trung tuyén AM? =

= Chon dap an B.

Cau 13: Cho tam gidc ABC c6 AC = 343,AB =3,BC = 6. Tinh s6 do goc B.
A. 60°. B. 45°. C. 30°. D. 120°.
Loi giai:

2 2 2 _
AB*+BC"—AC® 9+36 27:£.Véysé’dogéc B 13 60°.
2AB.BC 36 2

= Chon dap an A.

CosB =

Ciau 14: Cho tam gidc ABC c6 b=7;c=5 va COSA:E .Tinh a.
A W2, B. 2. C. V2. D. 3.
Loi giai:
Ap dung dinh 1i ham s6 Cosin vao tam giac ABC ¢6

BC? = AB” + AC* —2AB.AC.Cos A= 25—1—49—2.5.7.% =32 = BC =442.
= Chon dap an A.
Cau 15: Cho tam gidc ABC c6 AB = 34/3 va ban kinh duong tron ngoai ti€p R=3.S8 do géc C la
A. 60°. B. 30°. C. 90°. D. 45°.
Loi gidgi:
Ap dung dinh ly sin trong tam gidc ABC ta c6: sinC = % = % = g = C =60°.
= Chon dap an A.
Cau16: Cho tam giac ABC c6 B=60°, C =45°, AB=3. Tinh d¢ dai AC.
B 5. 32 C. 6. p. 206
2 2 3
Loi giai
Tacs: AC __AB _ o _ABsinB_3sin60° 36
sinB sinC sinC sin45° 2
= Chon ddp dn A.
Cau17: Cho tam gidc ABC c6 BAC =105°, ACB =45° va AC =8. Tinh d¢ dai canh AB.
A. #. B. 442. C. 8V2. D. 4(1+43).
Loi gidi:

Ta c6: ABC =180°—-BAC — ACB =180°-105°—-45°=30°.
Ap dung dinh ly sin trong tam giac ABC ta c6
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

sin45° sin30° sin 30°
= Chon dap dn C.

Cho tam giac ABC ¢4 AB=9,AC =18 va A=60°. Ban kinh ctia duwong tron ngoai ti€p tam

giac ABC la
A. 3. B. 93. C. 9. D. 6.
Loi giai:
Trong tam gidc ABC ta c6 BC? = AB? + AC2 —2AB.AC.cos A= 243 = BC = 9+/3..
Mitkhie BC —2r e Rr-_BC _ 9B g
sin A 2sin A 2sin60°

= Chon dap dn C.
Cho hinh vuéng ABCD c6 canh bang 6, E la trung diém ctia CD . Tinh ban kinh duwong tron

ngoai ti€p tam giac ACE.

A.@. B. % C. 3410. D. 3\5.
Loi giai:
A B

ul

D
Ta cd AE =+ AD? +DE? =/36+9 =35

Ap dung dinh ly sin cho tam giac ACE ta dwoc: =2R< R= & < R= ﬂ
sin ACE N2 2
2
= Chon dap an A.
Cho AABC c¢6 A=45° B=75°. Tinh ti s0 %
A e p. 13, c Y6r3/2 p. 5,
2 2 6 3
Loi giai:

Ap dung dinh li ham s8 sin trong tam gidc ABC, ta c6
AB BC _ AB sinC sin(180°-45°-75°) sin60° /6

= < = = = .
sinC sinA  BC sinA sin45° sin45° 2
= Chon dap dn A.
Cho tam giac ABC c6 BC =3, AC =5, AB =6. Do dai duong trung tuyén ké tir dinh C bang

A. 2\2. B. 5. C. Jio. D. 3.
Loi gidi:
Goi M 1a trung diém ctia AB . Ap dung cong thitc d6 dai trung tuyén, ta co:
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

, 2(c:A2+c:|32)—AB2 B 2(52+32)—62

CM* = 2 1 =8. Suy ra CM =242.
Vay d6 dai trung tuyén ké tir dinh C ctia tam giac ABC bang 242,
= Chon dap an A.

Cho tam gidc ABC c6 BC =4, AC =5 va ACB=60°. D$ dai duong trung tuyén ha tir dinh
Cla

A V6L g, Y51 c 3. D 2.
2 2
Loi giai:
Ta cé: AB2 = AC2+BC2—-2AC.BC.cos ACB = 4? +52 —2.4.5.% —21= AB=4+/21.
2 2 2 2 2
Do 6 m.? = 2CA’ +2CB’ —AB® 2.5 +2.4 21=6_1.Véy m, :Jﬁ.
4 4 4 2
= Chon dap an D.

Cho tam gidc ABC c¢6 chu vi bang 32 va ban kinh duong tron ndi tiép ctia AABC bang 5.
Tinh dién tich tam gidc ABC.

A. Sz%. B. S=40. C. S=160. D. 5=80.
Cho tam giac ABC c6 a=5,b=12, ¢ =13.Ban kinh duong tron ngoai tiép R cua tam gidc
bang
A. 13. B. 6,5. C. 26. D. 7,5.
Loi giai:
Taco: p= atb+c 5+12+13 15
2 2
Do d6 Syec =+/P(P—a)(p—b)(p-c)=,/15.(15-5)(15-12)(15-13) = 30.
Ma S o =a_bc:>R=a_bc=5.12.13=6’ .
4R 4S 4.30
= Chon dadp dn B.
Cho tam giac ABC c¢6 A=60° AB =3, AC =4. Tinh d6 dai duong cao ké tir A cta tam giac
ABC .
A. ha:—zﬁ. B. ha:—@. C.ha:—6\/§. D. ha:—sﬁ.
13 13 13 13
Loi gigi:

Ap dung dinh ly cosin vao tam giac ABC ta cé:
BC =V AB? + AC2 — 2AB.AC.COSA =~/25-12 = 13

Dién tich cua tam giac ABC: S = % AB.AC.sinA = %.3.4.% =33

25 ac _ 6v3 _ 6\/@.

Goi h_ la dwong cao ké tir A cua tam gidc ABC. Ta co: h, = =
e 8 8 " "BC 13 13

= Chon dap an C.
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Cau 26: Cho tam giac ABC c6 AB=9 cm, AC =12 cm va BC =15 cm. Khi d6, duong trung tuyén
AM cua tam gidc ABC c6 do dai bang
A. 8 cm. B. 10 cm. C.9 cm. D. 7,5 cm.
Loi giai:

Cach 1: Tacé AM :\/ 7,5.

AB? + AC? BC? _\/92+122 157
2 4 N 2 4
" . A . A BC
Cach 2: Tam giac ABC vuong tai A néen AM = =17,5.
= Chon dap an D.
Ciu 27: Cho tam giac DEF ¢6 DE = DF =10 cm va EF =12 c¢m. Goi | la trung diém ctia canh EF .
Doan thang DI c6 do dai bang
A. 6,5 cm. B. 7 cm. C. 8cm. D. 4 cm.
Loi giai:

2 2 2 2 2 2
Cach 1: Ta ¢6 D|:JDE +DF” _EF =\/10 +10° 127 o
2 4 2 4

Céch 2: Tam gidc DIE vudngtai | nén p| =/DE?—E|? =10 —6% =8

= Chon ddp dn C.
Cau 28: Cho tam gidc ABC c6 AB=8 cm, AC =18 cm va c6 dién tich bang 64 cm2 Gia tri sin A

bang
A.ﬁ. B.g. C.i. D.g.
2 8 5 9
Loi giai:
Taco: S = 1AB.AC.s.in Assin A= 25 __ §
2 AB.AC 9
= Chon dap an D.
Cau 29: Cho tam giac ABC c6 cac goc A=105°, B=45°. Tinh ti s0 % .
A.ﬂ. B. /2. C.Q. D.ﬁ.
2 2 3
Loi gidgi:
Tacs: D __C _ AB_c_sinC_sin(180°~105°-45°) V2
sinB sinC  AC b sinB sin45° 2
= Chon dap an A.
Cau 30: Cho tam gidc ABC c6 AB=5, AC =8, A=60°. Tinh d¢ dai canh BC.
A..\/129. B.7. C.49. D../69 .
Loi gidgi:

Ta c6: BC =~/ AB? + AC2 — 2AB.AC.COS A = \/52 +8° —2.5.8.% —J49=7.

= Chon dap dn B.
Ciu 31: Tinh dién tich tam gidc c¢d ba canh lan luot la V3 , V2 val.
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A.ﬁ. B. 3. C.ﬁ. D.Q.
2 2 2
Loi giai:
Ntra chu vi cua tam gidcla: p= %
Dién tich tam gidc la: S :\/p( p—\/é)( p—\/i)( p-1) :%.
= Chon dap an D.
Ciu 32: Cho tam gidc ABC ndi tiép duong tron ban kinh R, AB=R, AC = R+/3. Tinh goc A, biét B
la goc tu.
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai:
Goéc B lagoctunén A, C la géc nhon.
Ta co: — B :2R<:>_L:ZR<:>sinC :1:>C =30°. (vi C nhon)
sinC sinC 2
Twong tu: A—C =2R& F-Q_\/gz 2R < sinB :ﬁ: B =120° (do B tu).
sinB sinB 2
Suy ra: A=180°— (30° +120") =30°.
= Chon dap dan A.
Cau 33: Tam giac ABC c6 a=14, b=18, c=20. Khang dinh nao sau day dung?
A.B~42°50". B.B ~60°56". C.B~119°04". D.B ~90°.
Loi gidgi:
Tact cosB=2tC -0 M +20°18 17 o b r60%SE
2ac 2.14.20 35 o '
= Chon ddp dn B.
Cau 34: Cho tam gidc ABC c6 AB=4 ¢cm,BC =7 cm, CA=9 cm. Gia tri cos A bé“mg
A2 B. L. c. -2, D. L.
3 3 3 2
Loi giai:

2 2 2
Ta co: BC? = AB? + AC? — 2AB.AC.cos A <> cos A= 0 +AC ~BCT _ 2,

2AB.AC 3
= Chon dap an A.
Cau 35: Cho tam gidc ABC cOAB =4, AC =5,BC = 6. Tinh cos(B+C).
A. l B. —1. C. -0,125. D. 0,75.
8 4
Loi gidgi:
2 2 2
Tacdc=AB=4,b=AC =5, a=BC =6.Tinh cosA:b?T‘a:%.
.0.C

béy cos(B+C)=-cosA= —% =-0,125.

= Chon dap an C.
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Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Tinh ban kinh dwong tron ndi tiép tam gidc cd ba canh lan luwot la 5, 12, 13.

A. 2. B. 2. C. 242. D. 3.
Loi gidgi:
Nhén xét: Day 1a tam gidc vuong v6i canh huyén 1a 13.
Dién tich tam giac: S = %.5.12 =30. Ban kinh duong tron ndi tiép tam giac: r = § = % =2.
p
= Chon dap an B.
Cho tam gidc ABC c6 BC =10, A=230°. Ban kinh duong tron ngoai tiép tam giac ABC béng
A.5 B. 10 C 10 D. 10/3
.5. . 10. N .10/3.
Loi giai:
Goi R la ban kinh duong tron ngoai ti€p tam giac ABC, ta co:
BC _op g BC 10 __
Sin A 2.sin A 2.sin30°
= Chon dap dn B.
Tinh dién tich tam gidc c6 ba canh lan lwot1a 5, 12, 13.
A. 60. B. 30. C. 34. D. 7+5.
Loi giai:
Ntra chu vi cua tam giacla: p= % =15

Dién tich ctia tam giac la: S =,/p(p-5)(p-12)( p—13) =}15(15-5)(15-12)(15-13) = 30.
= Chon dap dan B.
Cho tam giac ABC ¢6 B=60°, C=45°, AB=5. Tinh d0 dai canh AC.

A. 53. B. 5v2. c.#. D. 10.
Loi giai:
Ap dung dinh 1i sin cho tam gidc ABC ta co: AB = A—C = AC = AB_'Sm B_ 56 .
sinC sinB sinC 2
= Chon dap an C.
Tam giac déu ndi tiép duong tron ban kinh R =4 cm thi 6 dién tich bang
A.13 cm’. B.13v/2 cm?. C.124/3 cm?. D.15 cm?.
Loi gidgi:
s aA g e 1 A 1 . . a’\3 aaa
Goi a la d¢ dai canh va S 1la dién tich ctia tam gidc, ta co: S = 2 = H —a= R\/§ = 4\/§
(56 5
Vay dién tich tam gidc da cho la: § =1 ——= 1243 (cm?).

= Chon dap dn C.

Cho hinh binh hanh ABCD ¢ AB=a, BC=a2 v BAD=45°. Tinh dién tich hinh binh hanh
ABCD.

A.24%. B.a’\2. C.a%. D.a3.
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Loi gidi:

A

Goi BH la duwong cao cta hinh binh hanh ABCD.

a2

Tam gidc BHA vuodng tai H, goc BAH = BAC =45°, BH = AB.sin45° = -

Dién tich hinh binh hanh ABCD la: S=BH.AD = gﬂﬁ =a*.

= Chon ddp dn C.
Cau 42: Cho hinh binh hanh ¢ mét canh la 5 hai duong chéo 1a 6 va8. Tinh d¢ dai canh ké véi canh
c6 do dai bang 5.
A. 3. B. 1. C. 5V6. D.5.
Loi giai:

A 5 B

\ 7
L\

D C

Goi hinh binh hanh 1a ABCD. Ta c6: 3° +4% =25 =5
= AC L BD = ABCD la hinh thoi= AB=AD =5.

= Chon dap an D.
Cau 43: Cho hinh binh hanh c6 hai canh 1a 5va 9, mot duwong chéo bangll. Tim do dai duong chéo
con lai.
A.95. B. 4V6. C. \/oL. D. 3J10.
Loi gidgi:
A 9 B
11
5
D 9 C

Goi hinh binh hanh la ABCD, AD =5, AB=9.
s A (e s , 5°+9°-11° 1
Goi «a la géc doi dién vdi duong chéo co do dai 11. Ta coé: cosa ~~%59 &

=a lagoctu= a=BAD = BD =11
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= AC? = AD* + DC*-2.AD.DC.cos ADC = AD? + DC? +2.AD.DC.cos BAD
(vi BAD va ADC bu nhau=> cos ADC =—-cosBAD )

— AC2=524+92 +2.5.9.(-%) —91= AC =+/91.

= Chon ddp dn C.
Céu 44: Cho tam giac ABC vuodng tai A c6 AB=6 cm, BC =10 cm. Tinh ban kinh duwong tron noi
ti€p tam giac do.

A.1cm. B. (2 cm. C.2 cm. D. 3 cm.

Loi giai:

Tacd AC =+/BC? - AB? =8(cm). Dién tich tam giac ABCla:S = % AB.AC = 24(Cm2)
S 24

Ntra chu vi p:&;lozﬂ. Suy ra I’=E=E=2(cm).

= Chon ddp dn C.

Ciu 45: Tinh dién tich tam gidc ABC biét A=60°, b=10, c=20.
A. 504/3. B. 50. C. 50:/2. D. 5045
Loi giai:

Ap dung cong thiec: S = %.bc.sin A= %.10.20.sin 60° =50/3.

= Chon dap dan A.
Cau 46: Cho tam gidc ABC c6 AB =5, AC =9 va duong trung tuyén AM =6. Tinh d¢ dai canh BC.
A. 2V17. B. V17. C. V/129. D. 22.
Loi gidgi:
A
5 9

B¢

Z‘
O

AC®+AB® BC®
2 4

2 2 2 2
:BCZZZ{w_AMZj:L{g ;5 —GZJ: =68 => BC = 24/17.

Ta co: AM? =

= Chon ddp dn A.
Ciau 47: Cho tam gidc ABC c6 cac goc A =75°,B=45°. Tinh ti s6 j—(B: .

A.ﬁ. B. V6. c.ﬁ. D.12.
3 2
Loi gidgi:
, c AB ¢ sinC sin(180°-75°-45°) /6
Ta co: - = — — =—=— = - [
sinB sinC AC b sinB sin 45° 2
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= Chon dap dn C.
Cau 48: Cho tam giac ABC vudng taiA, AC=b,AB=c. Ldy diém M trén canh BC sao cho goc

BAM =30°. Tinh ti s6 2.
MC

A.@. B, V¢ c.@. p. 2=¢.
3c 3b b b+c
Loi giai:
B

K
Ta c6 -MB :'_A‘M :MB:AM'_SInBO _ AM '
sin30° sinB sinB 2.sinB
MC _ AM _ o AM.sin6O0 =AN_'*@.Dodé MB_ sinC _ ¢ 3¢
sin60° sinC sinC 2.sinC MC 3sinB 30 3b
= Chon dadp dn B.
Cau 49: Trong tam giac ABC, néu 2h, = h, +h_ thi dang thitc nao sau day ding?
A. _2 = _1 + _1 i B. 2sin A=sinB+sinC.
sinA sinB sinC
i . . 2 1 1
C.sinA=2sinB+2sinC. D. — = .
sinA sinB sinC
Loi giai:
Faco2h hnes2 S 2,28 2 A1 2 1 1
a b ¢ a b ¢ 2RsinA 2RsinB  2R.ssinC
2 1 1
— =+
sinA sinB sinC
= Chon dap dan A.
Cau 50: Cho tam giac ABC. Khang dinh nao sau day ding?
A. mj+m§+mf:g(a2+b2+c2). B. m:+m§+mf:ﬂ(a2+b2+c2).
3 3
C m§+m§+mf:§(a2+b2+c2). D. m§+m§+m§:1(a2+b2+cz).
’ 4 3
Loi gidgi:
Str dung cdng thitc trung tuyén cta tam giac, ta co:
2 2 2 2 2 2 2 2 2
4 4 4 4
= Chon dap dn C.

Cau 51: Xét tam gidc ABC, khang dinh nao sau day ding?
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A. mazw. B. ma>ﬁ. C.ma<%. D. m,=b+c.
Loi gidgi:

b2+c? a* (b+c) +(b—c)’ —a’
Ta cé: m? = ——:( ) +(b=c)

2 4 4
b+c)’

Vib—c/<a=(b—c) <a’ =m? <u om, <2¥C,
= Chon dap an B.

Cau 52: Trong tam giac ABC, diéu kién dé€ hai trung tuyén ké tir A va B vudng gdc véi nhau la
A. 2a%+2b* =5c’. B. 32’ +3b*=5¢*.  C.2a°+2b*=3c’. D.a’+b®=>5c%.
Loi giai:
Vi hai trung tuyén vé tit A va B vuong gdc v6i nhau nén AABG vudng tai G véi G 1a
trong tam tam giac ABC.

2 2 2 2 2 2
Khi dé: C2:GA2+GBZ<:>CZ=ﬂ(b rc _a, ,a+c _b_J

9 2 4 2 4
2 2
< c? _4 L PIN TS BRI
9 4 4
= Chon dap an D.

Cau53: Cho tam giac ABC c6 ba goc nhon, BC=a, AC=b, AB=c va dién tich la S. Tong
cot A+cotB+cotC bang

2(a*+b* +c? 2 10?4 c? 2 W2 o2 2 22
A2 ) p &b aabec L alebiec
S S 2S 4S
Loi gidgi:
2, a2 .2
Tt cong thire S =£bcsin A=sin A=§,Vé CosA:b+C—a.
2 bc 2bc
b*+c*—a’
cos A 2 b +c* -a?
Suy ra cot A= = = .
e snA 25 43
bc
a’+c*-b’ a’ +b* —c?
Tuong tuw ta cting c6 cotB = ————, cotc=2"2 =
4S 4S
Va CotA+cotB+cotC—bZJFCZ_aZ+az+(:2_b2+az+bz_cz—aZJFbZJrC2
Y 45 45 45 5
= Chon ddp dn D.
Cau 54: Xét tam gidc ABC, néu cé a’> =b.c thi dang thirc nao dudi day dung?
L1 r B. h2 =h h. ct 1, plt_z,2
2 h h 2 h h R h h
Loi gidgi:

2
Tacd: a’=be | 2| =[ 22|22 @%:i.ichjzhb.hc.
h h Sl )T hh

a C a
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Cau 55:

Cau 56:

Cau 57:

Cau 58:

= Chon ddp dn B.
Tinh ban kinh dwong tron ngoai ti€p tam giac ABC biét AB=c va COS( A+ B) = %
A 82 g, V2 c. %2 p. ¥
2 8 8 2
Loi giai:
2
Ta c6 cosC =—cos(A+B) = —l. Do d6 sinC = 1—(—% = & .
3 3 3
AB _p_po AB _3c
sinC 2sinC 8
= Chon dap an B.

Cho tam gidc ABC vudng can tai A va noi ti€p trong duong tron tam O ban kinh R. Goi r
2 7 s \ \ A g A .7z . Loy A R M
la ban kinh duong tron noi ti€ép tam giac ABC . Khi d6, ti s6 — bang
r

B. 2+‘/§. C.*/_ZT‘l. D. 1*‘/5.

A.1+42.
2 2 2

Loi giai:

av2

Gia str AB:AC:a:BC:aﬁ:R:T.

2
AB.AC®2a+a\/§r:a_<:>r= 3 uyra Ro1443.

Mait khac S = pr =
P 2 2 2+2 r

= Chon dap an A.
Cho tam gidc ABC vudng can tai A c6 AB = AC =30 cm. Hai duong trung tuyén BF va CE
cat nhau tai G . Dién tich tam giac GFC bang
A. 50 cm?2. B. 5042 cm2. C.75 cm?. D. 151105 cm?.
Loi gigi:
- y . . 1 1 1
No6i AG cat BC tai H taco: S, =ESAAGC :§SAAHC ZESAABC

Ma S, e :%.30.30:450 cm® nén S, :%.450: 75cm?.

= Chon dap an C.

Cho tam gidc ABC c6 dién tich S. Néu téng dd dai mdi canh BC va AC 1én hai lan dong
thoi gitt nguyén d6 16n ctia géc C thi dién tich ctia tam gidc méi duwoc tao nén bang

A. 2S. B. 3S. C. 4S. D.5S.

Loi gidgi:

Taco S = % BC.AC.sinC

Khi BC, AC ting2lan, taco S, 2%.ZBC.2AC.SinC :4(% BC.ACSian:4S .

= Chon ddp dn C.
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Cau 59: Cho hinh vuéng ABCD c6 canh bang a. Goi E la trung diém canh BC, F la trung diém
canh AE . Tinh d6 dai doan thang DF .

A.@. B.ﬁ. c.ﬂ. D. 32
4 4 2 4
Loi giai:
B
'E
D C

2
Ta cé: AE = DE = /a%@j =¥

Dung cdng thire d6 dai trung tuyén:

, b5a’
, DA*+DE’ AE* % "7, s’ 13a? jppzﬁ.

DF =
2 4 2 16 16
= Chon dap an A.
Cau 60: Cho tam gidc ABC c6 B+C =135° va BC =a. Tinh ban kinh dwong tron ngoai ti€p tam giac.
A.#. B. av2. C.#. D. a3.
Loi gidgi:
Tacé A=180°—135°=45°= B¢ _pR—sR=_oC __ & _ av2.
sin A 2sin A 2sin45° 2
= Chon dap an A.

Cau 61: Cho tam giac ABC ¢6 AB=9, BC =10,CA=11. Goi M la trung diém BC va N la trung
diém AM . Tinh d¢ dai BN .

A.6. B. 4/2. C.5. D. V/34.
Loi gigi:
2 2 2 2 2 2
Taco AM? =28 HACT BCT g0 gy BATBMT AMT g,
2 4 2 4
= Chon ddp dn D.

Cau 62: Cho tam giac ABC ¢6 AB=5, BC=8,CA=6. Goi G la trong tam tam gidc ABC. D¢ dai
doan thang CG bang

AT B 37 c 2. p. 13
2 3 6 3
Loi gidgi:
CB*+AC* AB 175 2 2175 57
Goi M la trung diém AB, ta c6: CM* = — =——=CG==CM==,[—=—"+.
2 4 4 3 3V 4 3
= Chon ddp dn B.
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Cau 63:

Cau 64:

Cau 65:

Cau 66:

Cau 67:

Cho tam gidc ABC ¢6 AB=2 cm, AC =1 cm, A=60°. Tinh d dai canh BC.

A.1cm. B.2 cm. C. /3 cm. D. /5 cm.

Loi gidgi:

Ap dung dinh 1i C6 - sin cho tam giac ABC ta c6: BC? = AB* + AC? —2.AB.AC.cos A

=12 +2%-2.1.2.c0560° = 3. Suy ra: BC = +/3 (cm).

= Chon dap dn C.

Cho tam giac c6 ba canh lan lugtla 5, 6, 7. Tinh d¢ dai duong cao ting vdi canh c6 do dai
b.:?mg 6.

A 6. B. 246. C.5. D.%.
Loi giai:
Ntra chu vi cua tam gidcla: p= 5+2+7 =9.
Dién tich tam giac la: S =/p(p-5)(p—6)(p-7) =6+/6.Dat a=5, b=6, c=7.
Do dai duong cao ting véi canh c6 d6 dai bang 6 1a: h, = > % =2.6.
= Chon ddp dn B.
Cho tam giac c¢é ba canh Ian lwot la 5,12,13. Tinh d dai duwong cao tng véi canh 16n nhat.
A2 B. 2. c X D. 12.

13 13 13
Loi giai:
bat a=5, b=12, ¢=13. Ta ¢6: Ntra chu vi ctia tam giacla: p= % =15
Dién tich cua tam gidc la: S =./p(p—5)(p-12)(p-13) = |/15(15-5)(15-12)(15-13) = 30.
Puong cao ting véi canh 16n nhat 1a: h, = 25_230_00 .

c 13 13

= Chon dap dan A.

Cho tam gidc ABC c6BC =12,CA=9,AB=6. Trén canh BC ldy diém M sao choBM =4.
Tinh d6 dai doan thang AM.

A. 2\5. B. 3.2. C. J20. D. \19.

Loi gidgi:

AB?*+BC?—-AC?* 6°+12°-9* 11

cosB = =—
2AB.BC 2.6.12 16

AM =+/AB? + BM2 —2AB.BM.cosB =\/62 + 42 —2.6.4.% -19.

= Chon dap dan D.

Cho tam giac can ABC c6 A=120° va AB=AC =a. Lay diéfm M trén canh BC sao cho

BM :%. Tinh d¢ dai AM.
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A.a_*@. p. 1a c.ﬂ D.ﬁ.
3 5 5 4
Loi giai:
A
% ¢
M

/

B

BC =+ AB2 + AC? — 2ABAC c0s120° = \/az +a’- 2a.a.(—%j —aJ3=BM =

2a\/§J2_2a 2a\3 V3 a7
- . 2

2a+/3

5

AM—\/ABZ+BM2—2AB.BM.c0530°_\/a2+[ B2

= Chon ddp dn C.
Cédu 68: Cho tam gidc ABC c6 cac canh &, b, ¢ théa man diéu kién (a+ b+ c)(a+ b —C) =3ab. Tinh s0
do ctia géc C.
A.120°. B.30°. C.45°, D.60°.
Loi giai:
Trong tam gidc ABC ta ludn c6: ¢ = a® +b? —2ab.cosC .
Hé thiic (a+b+c)(a+b—c)=3ab < (a+b)2 —c*=3ab <=c?=a’+b’—ab

Suy ra: —2.c0sC =-1=cosC :%:C =60°.

= Chon dap an D.
(a+b—c)(a—b+c)

Cau 69: Cho tam giac ABC c6 S= . Khéng dinh nao sau day dung?

A. Tam giac ABC vudng tai A. B. Tam gidc ABC vudng tai B.
C. Tam giac ABC tu. D. Tam giac ABC nhon.
Loi giai:

a+b+c

Ntra chu vi cta tam giacla p= 5

(a+b—c)(a—b+c)
4

= p(p-a)(p-b)(p=c)=(p-c) (p-b)

o p(p-a)=(p-c)(p-b)=p’—pa=p*—p(b+c)+bc

o p(c+b-a)=bce (b+c+a)(c+b—a)=2bc b +c* =a’.

Ta céd: S= <:>1652=(a+b—c)2(a—b+c)2

= Chon dap an A.
Cau 70: Cho tam gidc ABC thoa man sin A = sinBrsinC Khang dinh nao sau day ding?
cosB+cosC
A. Tam gidc ABC can. B. Tam gidc ABC déu.
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Cau 71:

Cau 72:

Cau 73:

C. Tam gidc ABC vudng. D. Tam giadc ABC c6 goc A =60°.
Loi giai:
Ta cé: .a = _b = ‘C =2R<:>sinA=i;sinBzi;sinC=i.
sinA sinB sinC 2R 2R 2R
2, 2 12 2,12 2
Va cosB=2 70 ot -
2ac 2ab
Ta co: sinAzM@sinA(cosB+cosC)=sinB+sinC
cos B+ cosC
a(a®+c*=b* a*+b*>-c? b c
o — + =4+ —
2R 2ac 2ab 2R 2R
2,2 12 2,32 2
@ +c b +4 th"—c =b+c<:>b(a2+c2—b2)+c(a2+b2—c2)=2bc(b+c)

2c 2b
< ba* +bc* —b +ca® +cb* —c® =2b%c + 2bc?
& (07 +¢)+bPc+bc® —ba® —ca® =0
<:>(b+c)(b2—bc+c2)+bc(b+c)—a2(b+c)=0
<::>(b+c)(b2 +c? —a2)=0:>b2 +—a*=0b +c* =a°.
= Chon dap dn C.
Mot tam gidc c6 do dai cdc canhla 1, m,2 véi meZ. Gia tri cia mla
A.l. B. 2. C. 3. D. 4.
Loi giai:
Tacd 1, m, 21a do dai 3 canh tam gidc ma mot canh ludn 16n hon hiéu 2 canh va nhoé hon tong 2
canhnéntaco 2-1<m<2+1<1l<m<3
Mat khac, meZ nén m=2.
= Chon dap an B.

Cho tam gidc ABC c6 AB=7,AC =5 va COS(B +C) = —%. Tinh d0 dai canh BC.
A. 2\15. B. 422 . C. 415 . D. 2./22.
Loi gidgi:

Vi trong tam gidc ABC ta cd B+C bi1 véigoc A nén cos(B+C)= —% = COSA= %

BC =+ AB? + AC? — 2AB.AC.COSA = \/72 +52 —2.7.5.% - 2./15.

= Chon ddp dn A.

Tam gidc ABC ¢ cos(A+B)= —%, AC =4, BC =5. Tinh canh AB.

A. /46 . B. 11. C.5/2. D. 6.
Loi gidi:

Vi trong tam giac ABC tacd A+ B bu vdi goc C nén

1 1
cos(A+ B)=—§:>cosc =5 AB =+/AC? + BC?-2AB.BC.cosC :\/42 +5° —2.4.5% =6.

= Chon dap dan D.
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Cau 74: Tinh ban kinh duong tron ngoai ti€p tam gidc ABC biét AB =12 va cot(A+B) = % .

A. 2410. B.@. C. 510. D. 32,
Loi giai:

Ta cé:cot(A+ B) =% nén cotC =—%, suy ra3cosC =—sinC.

3 :3\/1_02> AB AB

=2R=R= =2410.
JiIo 10 T sinC 2sinC V1o

Ma sin?C +c0s’C =1=sinC =

= Chon dap an A.
Cau 75: Tinh ban kinh duong tron ngoai ti€p tam gidc ABC biét AB =10 va tan(A+B) = % .

A.@. . 1. C.@. D. 5:/10.
9 3 5
Loi giai:

Ta cé: tan(A+ B) :% nén tanC = —%.

Do d6 3sinC =-cosC, ma sinC +cos’C =1=sinC :i:@.
J1io 10
AB AB
MZZR:RZZSMC =510,
= Chon dap an D.
Cau 76: Tim chu vi tam gidc ABC, biét rang AB =6 va2sin A=3sinB=4sinC.
A. 26. B. 13, C. 5\/26. D. 104/6.
Loi giai:

Vi 2sin A=3sinB =4sinC nén ta c6: 2a=3b=4c=24(do c=AB=6).
Do d6: a=12,b=8,c=6. Chu vi tam giac ABC bang 26 .
= Chon dap dan A.

Cau 77:  Cho tam giac ABC ¢6 BC =10 va sin A = sin B - sinC

. Tim chu vi cua tam giac do.

4
A.12. B. 36. C. 24. D. 22.
Loi giai:
vi INA_SINB_sinC an 80 _C . h_g,c=6(do a=BC=10).
5 4 3 5 4 3
Chu vi tam gidc ABC bang 24.
= Chon dap dn C.
Ciau 78: Tam giac ABC c0 cac canh 4, b, ¢ thdéa man diéu kién a+b = bgc = a;c. Tinh cos A.
A -1 B. L. c. L D. L.
4 3 3 3
Loi giai:
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Cau 79:

Cau 80:

Cau 81:

Cau 82:

- a+b=6t a=4t
Ta co: az = ;c:a;c:tc} b+c=5t=>a+b+c=9t. Vay {b=2t.
a+c=7t c=23t
2 2 2 2 2 2
Theo dinh li cosin: cosA:b re —a :4t 9t —16t :—1.
2bc 2.2t.3t 4
, 7 11
Tuwong tw, ta tinh dwoc: cosBzg;cosC =l
= Chon dap an A.
Tinh goc C cua tam giac ABC biét a=b va a(a2 —Cz):b(b2 —Cz).
A. C=150°, B. C =120°. C. C=60°. D. C =30°.
Loi giai:

Ta cé: a(az—cz)zb(bz—cz) o a’-b’*-c*(a-b)=0
<:>(a—b)(a2+ab+b2)—cz(a—b):0
a’+b?—c? 1

sal+ab+b?-c?’=0=>c0sC=——" =—= Do d6: C=120°.
2ab 2

= Chon dap an B.
Cho goc xOy = 30°.Goi A va B 1a hai diém di dong Tan luot trén Ox va Oy sao cho AB =1.
Do dai 1én nhat cia doan OB bang
A.15. B. V3. C. V2. D. 2.
Loi giai:
AB
sinO
giac OAB. Vay OB 16n nhat khi OB la duong kinh cta duong tron ngoai ti€p tam giac OAB..
Khi d6 OB=2.
= Chon dap an D.
Cho gbéc xOy =30°. Goi A va B la hai diém di dong lan lugt trén Ox va Oy sao cho AB=2.
Do dai 1én nhat cua doan OB bang
A.2. B. 3. C. 4. D.5.
Loi giai: )
bdt OA=x, OB =y. Ap dung cong thitc dinh ly ham s6 cosin cho tam giac OAB ta co:
X2 +y? —2xyc0s30°=22 & x* + y* —/3xy —4=0 (*)
Tim diéu kién d€ ton tai X, ta coi phuwong trinh trén la phuwong trinh an X, tham sé vy .
Khi d6, phirong trinh (*) 6 nghiém <> A >0 < (ﬁy)2 ~4(y*-4)>0o-4<y<4.
Do d6 maxy=4.
= Chon dap an C.
Hai chiéc tau thuy cling xuat phat tir mot vi tri A, di thang theo hai huéng tao véi nhau goc
60°. Tau B chay v6i tdc do 20 hai li mot gio. Tau C chay véi toc do 15 hai li mot gio (tham
khao hinh vé)

Xét tam giac OAB cé =2=2R=R=1.Vdi R 1a ban kinh duong tron ngoai ti€p tam
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Sau hai gio, hai tau cadch nhau bao nhiéu hai 1i?
Két qua gan nhat voi s6 nao sau day?
A. 61 hai li. B. 36 hai li. C. 21 hai li. D. 18 hai li.
Loi giai:
Sau 2 gio tau B di dwoc 40 haili, tau C di dwoc 30 hai li. Vay tam gidc ABC co
AB=40, AC=30 va A=60°.
Ap dung dinh 1i cdsin vao tam gidc ABC, ta cd
a’* =b* +c* —=2bccos A =30% +40” —2.30.40.cos 60° = 900 + 1600 — 1200 = 1300.
Vay BC=+/1300 ~36 (hai li).
Sau 2 gio, hai tau cadch nhau khoang 36 hai li.
= Chon dadp dn B.
Cau 83: D¢ do khoang cach tir mot diém A trén bo song dén goc cay C trén cu lao gitta song, nguoi ta
chon mot diém B cung ¢ trén bo v6i A sao cho tit A va B ¢6 thé nhin thdy diém C . Ta do duoc
khoang cach AB=40m, CAB=45" va CBA=70° (tham khao hinh vé)

Vay sau khi do dac va tinh toan duoc khoang cach AC gan nhat véi gia tri nao sau day?
A. 53 m. B.30m. C. 41,5m. D. 41 m.
Loi gidi:

AC AB

Ap dung dinh 1i sin vao tam giac ABC, ta c6 —— =
sinB  sinC

Vi sinC=sin(a+ﬂ) nén AC = qu'Smﬁ = 40_'Sm70 ~ 41,47 m.
sm(a+ﬂ) sin115°

= Chon dap an C.
Cau 84: Turvitri A nguroita quan sat mot cay cao (hinh vé).
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Cau 85:

9

Biét AH =4m, HB=20m, BAC =45°.
Chiéu cao ctia cay gan nhat véi gia tri nao sau day?

A.17,5m. B. 17m. C. 16,5m. D. 16m.
Loi giai:
., . AH 4 1 e
Trong tam giac AHB, taco tan ABH=——=—=—-——>ABH =11°19".
BH 20 5

Suy ra ABC =90° — ABH =78°41'. Suy ra ACB=180°— (BAC + ABC) =56°19".

Ap dung dinh ly sin trong tam gidc ABC, ta duoc:

AB CB ,CB— AB.sin BAC N

= 17m
sin ACB sinBAC sin ACB

= Chon dadp dn B.

Gia st CD =h la chiéu cao cta thap trong d6 C la chan thap. Chon hai diém A, B trén madt
dat sao cho ba diém A, B va C théng hang. Ta do dwoc AB=24m, CAD=63°, CBD =48°
(tham khao hinh v€)

Chiéu cao h cta thap gan vdi gia tri nao sau day?

A. 18m. B. 18,5m. C. 60m. D. 61,4m.
Loi giai:

AD _ AB

sin “sinD’

Ap dung dinh 1i sin vao tam giac ABD, ta c6

Taco a=D+f nén D=a— f=63°—-48°=15°.
AB.sinf  24.sin48°
sin(a —,B) - sin15°
Trong tam giac vudng ACD, ¢ h=CD = AD.sina ~ 61,4 m.
= Chon dap an D.

Do d6 AD = ~ 68,91 m.
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Cau 86:

Cau 87:

Trén néc mot toa nha c6 mot cot ang-ten cao 5 m. Ttk vi tri quan sat A cao 7 m so voi mat
dat, c6 thé nhin thay dinh B va chan C cua cft ang-ten duwdi goc 50° va 40° so véi phuong
nam ngang (tham khao hinh vé&)

Chiéu cao cta toa nha gan nhat véi gia tri nao sau day?

A. 12m. B. 19m. C. 24m. D. 29m.

Loi giai:

Tir hinh V&, suy ra BAC=10° vi ABD=180°~(BAD + ADB)=180°—(50°+90°) = 40°.

Ap dung dinh li sin trong tam gidc ABC, ta c6
BC  AC Ac BC:sinABC _5.5ind0°
sinBAC sin ABC sinBAC ~ sinl0°

Trong tam gidc vudong ADC, ta ¢ sinCAD = i—?—)CD =AC.sinCAD=11,9 m.

~18,5m.

Vay CH=CD+DH =11,9+7=18,9 m.

= Chon dadp dn B.

Xéc dinh chiéu cao ctia mot thadp ma khong can 1én dinh cua thap. Dat k& giac thang ding
cach chan thap mot khoang CD =60m, gia st chiéu cao ctua giac k€' 1a OC =1m. Quay thanh
giac k& sao cho khi ngam theo thanh ta nhinh thdy dinh A cta thép. Poc trén gidc k& s&
do cua géc AOB=60° (tham khao hinh v€)

Im

60m C

Chiéu cao ctia ngon thap gan véi gia tri nao sau day?

A. 40m. B. 114m. C. 105m. D. 110m.
Loi gidi:

Tam gidc OAB vuong tai B, c6 tan AOB= % = AB=tan60°.0OB = 60\/5 m.
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Cau 88:

Cau 89:

Vay chiéu cao ctia ngon thép 1a h= AB+0OC = (60«/5 + 1)m ~105m.

= Chon dap dn C.

Mot tho 18n ¢d vi tri cach mit nude 8m, médt con tau ddm & goc 70°. Sau khi cuing xudng t6i
mot diém cao hon 14m so véi day dai dwong, the 13n nhin thay con tau dam & géc 57°. Chiéu
sau ctia con tau dam gan gid tri nao nhat?

8 m

A 4

C
A. 24,979 m. B. 32,964 m. C. 32,979 m. D. 33,25 m.
Loi giai:

Djt CD =x, AB = y. Xét tam giac BCD: tanCBD = ﬁ — x=14.tan33°

Xét tam gidc ACD: tanCAD=—— = (14+y)tan20°=x
y+14
= 14.tan33° 14 ~ 10,979
tan20°
Chiéu sau ctia con tau dam bang: 8 + 14-tan337 32,979 m.
tan 20°
= Chon dap an C.

DPéu cua cac tong thong 6 Mount Rushmore cao 18 mét. Mot du khach nhin thdy dinh dau
ctia George Washington & géc cao 48° va cam ctia 6ng & goc cao 44,76°. Chiéu cao ctia mui
Rushmore gan gia tri nao nhat?

D
1 18m
C
X
480
“l
i B
A. 182,753 m. B. 99,649 m. C.999m. D. 168,055 m.

Gido vién: LE BA BAO...0935.785.115... Trueong THPT Dang Huy Tri¢  CLB Gido vién tré TP Hué 54



[...Cac chuyén dé Trac nghiém Toan THPT...] Dai s6'10_Két noi tri thifc véi cudc song

Cau 90:

Loi giai:
bat AB=y,BC =x. Ta co: tan44,76° LN y S S
y tan44,76°
x+18 x+18
—~ =

y 7= tan 48°

Lai cé: tan48° =

N X _ x+18 e 18.tan44,76 118 ~168,055 (m).
tan44,76° tan48° tan48° —tan44,76°
= Chon dap an D.

Tt hai vi tri A va B ctia mdt toa nha, nguoi ta quan sat dinh C ctia ngon nti. Biét rang do
cao AB=70m, phuong nhin AC tao vdi phuong nam ngang goc 30°, phwong nhin BC tao
véi phuong nam ngang goc 15°30' (tham khao hinh vé)

C

Ngon ntii d6 c6 d6 cao so voi mat dat gan nhat voi gia tri nao sau day?

A. 135m. B. 234m. C. 165m. D. 195m.
Loi giai:

Tt gia thiét, ta suy ra tam gidc ABC c6 CAB=60°, ABC =105°30" va c="70.
Khidd A+B+C=180°«< C=180°- (A + B) =180°-165°30" =14°30'.

Theo dinh Ii sin, ta c6 ——= _C hay — b =— 70
sinB sinC sin105°30" sin14°30'
Do d6 AC=b=70511050 566 4 m.
sin14°30’
Goi CH la khoang cach tir C dén mat dat. Tam gidc vuéng ACH ¢ canh CH d6i dién véi

gbc 30° nén CH = % = 262ﬁ =134,7 m.
Vay ngon nui cao khoang 135 m.
= Chon dap dn A.
HET
Hué, 10h58’ ngay 29 thing 8 nim 2022
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