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I. NOI DUNG KIEM TRA
Nguyén ham cia mét s6 ham sé so cap.
Tich phan-Ung dung cua tich phan((chua yéu cau dimg dén codng thic tinh thé tich khai tron xoay).
Phuong trinh mat phang(chua yéu cau dung dén cong thize tinh goc giza 2 mat phang).
Mgt so bai toan ung dung thuc tién lién quan dén céc kién thire trén.
BO SUNG: BANG CONG THUC NGUYEN HAM (DAY PU HON)

Pic biét: _[de:C; jdx:x+C.

Bang cong thirc nguyén ham thwong gap
Céc cong thitc nguyén ham CO BAN Cong thirc nguyén ham ciia ham hep, véi u 1a
1 biéu thirc phirc tap chira bieén so x
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In A In A
6/ jln xdx = x.Inx—x+C (chi dung lam TN) _[Inudu =u.Inu-u+C
7/ _[sin xdx =—-cosx+C _[sinu du =—cosu+C
8/ Icosxdx:sinx+C Icosudu:sinu+C
9/ j 12 dx=tanx+C '[ —du=tanu+C
cos X COs” U
10/] dx =—cotx+C '[ ——du=—cotu+C
sin® x sin“u
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X X (2-1x@P X
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X B-DxP X
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13/ Ifdx— +C > Yx chila xn
n+1
/ -t
14/J _h > L chinaxr
J_ n-1 x
1 =t
15/ —dx:2\&+C - — chila x?2
I% &

CAN BIET THEM BANG NGUYEN HAM MO RONG SAU DAY(c6 thé can ding cho bai thi DGNL)
Tir khai niém vi phan (da hoc & l6p 11-CHUONG TRINH CU):
df (x) = f'(x)dx; dt(x) =t'(x)dx

- PP 1am tréi bién sé(dé thwc hién PP dung vi phan):



d(t(x d(ax+b) d(ax+b) 1
dx = (,( )); dx = ( ) ( ) d(ax+b)
t'(x) (ax+Db)’ a
- Taco bang nguyén ham mé rgng(ciing thuwdng dung). So sanh véi dao ham
Chi 1a “bat chwéc” cac cong thirc nguyén ham co ban va nhan - Pé tranh nham lan

thém hé so —
a
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4/ J'eax+bd 1 ax+b+C
a
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7/ _[sin(ax +b)dx = _Zlcos(ax +b)+C

8/ jcos(ax+ b)dx = L .sin(ax-+b)+ C
a

/ j;dx:ltan(axm)m
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cos’(ax +b)
1 -1
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sin“(ax+b) a
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n+l
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a n+1
n-1
14 [—— L —nV(aHb) +C
«”/( +b n-1
15/ dX—— 2 +b+C
o = 2V
I1. BAI TAP

Dang 1. Cau tric nghiém nhiéu phwong 4n lya chen
Moi cau hai thi sinh chi chon mét phwong an. 7
Cau 1. Cho F(x) la mot ham so lién tuc trén R . Phat biéu nao sau day 1a dtng?

A [F(x)dx=F(x)+C. B. [F(x)dx=F'(x)+C. C. [F(x)dx=F(x)+C. D. [F'(x)dx=F'(x)+C.
Cau 2. Phat biéu nao sau day 1a dung?
-3x -3x -3X 1 -3X -3X 1 —3X -3x 1 -3X
A. J.e dx=e""+C. B. J.e dx=—=e""+C. C. Ie dx==e""+C. D. Ie dx=—=e""".
3 3 3



Cau 3. Cho ham sb y = f(x) c6 do thi nhu Hinh 2. Goi S la phan dién "
tich hinh phiang duogc t6 mau. Phat biéu nao sau day la dang?

A S= _T f (x)dx. B.S= —_T f (x)dx.
C.S=- T f (X)dX. - —T F (x)dx

Cau 4. Goi S la dién tich hinh phang dwoc té dam trong Hinh 3. Cong
thuc tinh S la:

1 2
A. S= j f (x)dx + j f (x)dx. B.S= j f (x)dx — j f (x)dx.
_21 —12 1
C. s = [ f(x)dx D. §=—[ f(x)dx
-1 -1
Cau 5. j(Zx)ﬁdx bang:
J2+1 V2 2+ N
A B2 X "¢ c. @97 ¢ D. (2x)2 +C
J2+1 J2+1 In(2x)
2
Cau 6. J‘(sinﬁrcosij dx bing:
2 2
2 3
A. x—cosx+C. B. —cosiJrsin5 +C. C.1 sin5+cos§ +C.D. x+cosx+C.
2 2 3 2 2
Cau7. '[(ex +e ¥ Jdx bang:
1 ex+1 e—2x+1
A. e —2e® +C. B. e*+e? +C. C. e —=e ™ +C. D.
2 X+1 -2x+1

2
Cau 8. j(cosgj dx bang:

3 2
A. X+sinx+C. B. E cosi +C. C. sin5 +C. D. 1x+lsinx+C.
3 2 2 2 2
Cau 9. j(Szx —6e_2jdx bang:
X X X+1 —2X+1
A. ex—le’2X+C. B. 2 +12e 2+C. C. e*—2e* +C. D. € ¢ +C
2 2In5 Xx+1 -2x+1
Cau 10. Néu f(1)=12, f'(x) lién tuc va jf x)dx =17 thi gia tri cua f (4) bang
A. 29. B. 5. C. 15. D. 19.

Cau 11. Cho ham s6 y = f(x) lién tuc trén doan [ a;b]. Goi F(x) la mot nguyén ham cia ham sé f(x)
d

trén doan [a b] Chon ménh dé dang.
A. jf x)dx=F(b)-F(a). B. [ f(x)dx=F(a)-F(b).

C. jf )dx=F(b)+F(a). D. [ f(x)dx=F?(b)-F(a).

QA — R C—



Cau 12. Cho ham s6 y = £(x) lién tyc trén doan [a;b]. Goi F(x) lamot nguyén ham cia ham s6 f(x)

trén doan [a'b] Chon ménh dé sai.

A. If dx F(b) F(a). B. f( )dx 1.

QY — D —

cj’f( )dx=0. D. [f(x dx_—jf

cau 13, Choham sé ¥ =/ (%) ¢ dao ham £ (%) va F() Jian tuc trén doan L@ ]. Goi | (%) 1y mot
nguyén ham cua ham sé f (x) trén doan [a; b]. Chon ménh d dung.

A F(b)- f(a)= ] £/(x) d. 8. F(b)~F(a)= [ f/(x) dx.

Cau 14. Tinh tich phan jcostdt. A.2. B.0. C.-2.D.1.

2

Céu 15. Tinh tich phéan J%dt Voi a>e. A Ina+1. B.1-Ina. C.Ina-1. D. Ina.
3 ' 3
ff(x)dx:2 I[f(x)+2x]dx
Cau 16. Néu 1 thi 1 biang
A. 20. B. 18. C.12. D. 10.

2
Céau 18. Cho J-f( dx =-1va Ig dx 3. Ménh d nao say day la ding?
2

A. _Ji[f(x)+g(x)]dx=8. B. JZ.[ ]dx 4.
C. iSf(x)dx:S. D. i[?,f (x)-4g(x) |dx=-15.

0
I=[(2x+3) dx
Cau 19.Tinh = :
13 14 13 26

A IT=—. B. I=—. Cl=——. D.I=—.
3 3 3 3

1
Cau 20. Tich phan .[(e“ +5x4)dx biang
0

A. e3+§. B. e. C.

2
Cau 21. Biét F(x)=x" la mot nguyén ham ciia ham s6 f(x) trén R . Gid tri cia

'—.

[2+f ]dx bang

1

A. 3. B. 5. C. —.

O
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1 3

Jf(x)dx:—l jf(x)dx:S 3

Céu 22. Cho © ;0 . Tinh [ £(x)dx
1
A. 3. B. 6. C.5. D. 4.
Cau 23. Cho ham s f(x) lién tuc trén R. Goi S la dién tich hinh phang Y

gidi han béi cac duong y = f(x), y=0,x=-2 va x =3 (nhu hinh v§).
Ménh dé nao dudi day diing?

S:—j;f(x)dx—jf(x)dx. B. S:j;f(x)dx—sz(x)dx.

cs_—jf dx+jf D. S= jf dx+jf
Cau 24. Cho ham s6 y = f(x) lién tyc trén doan [a;b . Goi D la dién vl
tich hinh phang gi¢i han boi do thi (C):y = f(x), truc hoanh, hai duong
thang x=a, x =b (nhu hinh v& dudi day). . -
0 b =
Gia st S, ladién tich hinh phiang D. Chon cong thirc dung
trong cac phufO'ng an A B, C, D cho duo¢i day?
A S, = j f(x)dx+ j fx B.
0
Sy :—jf(x)dx+jf(x)dx
a 0
0 b 0 b
C. S, =J.f(x)dx—jf(x)dx. D. S, :—Jf(x)dx—jf(x)dx.
a 0 a 0

Cau 25. Dién tich hinh phang duoc giéi han béi d thi ham sé v = 3/x , truc hoanh va hai duang thang
x=1,x=81a

AR B. % c. 2, D. 2,
2 4 7 8
Cau 26. Dién tich hinh phang gigi han béi d6 thi ham sé y = (x—z)2 —1, truc hoanh va hai duong thing
x=1,x=2 bang
A.l. B.g. C.§. D.Z.
3 3 2 3
Cau 27. Tinh dién tich S hinh phang gigi han boi cac duong y = x> +1,x = —1,x = 2 va truc hoanh.
A.5=16. B.S5=6. C. S—% D. $=13.

Cau 28. Goi S la dién tich cua hinh phang gigi han boi cac duong y=2°, y=1, x=0, x=2. Ménh d&

C.S= T(1—2X)dx. D.S :i(zx —1)dx
0 0

Céau 29. Hinh phang gisi han boi cac duong y =4+2x-x*, y=x*, x=-1, x=2 co diéntich la
A. 9 dvdt. B. 12 dvdt. C. 15 dvdt. D. 6 dvdt.

nao dudi day sai?

—].‘dx. B. 5=ﬂ1—2x dx
0




Cau 30. Dién tich hinh phang gisi han béi @6 thi ham sé y = cos x, truc tung, truc hoanh va duong thang

x =7 bang
Cau 31. Trong khong gian Oxyz, vecto nao sau ddy 1a vecto phap tuyén cia mit phiang (P): x+3y—2=0?
A. n =(3-2,0). B. n,=(L 3; -1). C.n,=(3;0). D. ni, =(X;3;-2).

Cau 32. Trong khong gian Oxyz, mit phang di qua diém K (L 1 1) nhan G =(L 0;1), V=(L 1 0) lacap
vecto chi phuong c6 phuong trinh tong quat Ia:

A. x+y+z-3=0. B. x—y+z-1=0. C. x+y-z-1=0. D. -x+y+z-1=0.
Cau 33. Trong khdng gian Oxyz, mat phing cit ba truc toa do tai ba diém
D(3; 0; 0), E(0; —2; 0), G(0; 0; —7) c6 phuong trinh mit phang theo doan chén la:

A Y Zii0 B X.Y,Z_g c.X. ¥ z_4 D.X_ Y, Z_q
3 2 7 37277 3 2 7 3 277

Cau 34. Trong khong gian Oxyz, cho mat phang (P) cé phuong trinh 2x—y +z—1=0. Mat phang nao sau
day song song véi (P)?

A. 4x-2y+2z-1=0. B.4x-2y-2z-1=0. C.2x-y-2z+1=0. D. 4x-2y+2z-2=0.
Cau 35. Trong khéng gian Oxyz, cho mit phing (P) c6 phuong trinh x + 2y +z—1=0. Mt phang nao sau
day vudng goc vai (P)?

A x-y+z-1=0. B. x—2y+z-1=0. C. 2x—-y+z-1=0. D. x—-y+2z-1=0.
Cau 36. Trong khdng gian Oxyz, cho mit phang (P) : x+2y+z—1=0, khoang céch tir M (1;1;0) dén (P)
bang

2 3 1 4
A —. B. —. C. —. D. —.
6 J6 J6 V6
Dang 2. Cau triic nghiém diing sai i
Trong moi y a), b), ¢), d) (hodc A. B. C. D.) ¢ moi cau, thi sinh chon diing hogc sai. ,
Cau 1. Mot vién dan dugc ban thang ding Ién trén tur d6 cao 2m so véi mat dat (coi t =0 gidy la thoi diem
vién dan duoc bdn 18n), van toc cia vién dan dugc cho bai cong thuc v(t) =60 —10t (m/s)
a) Van toc cia vién dan tai thoi diém t =2 gidy bang 40 m/s.
b) D6 cao cua vién dan tai thoi diém t dugce xac dinh boi cong thic h(t) = 60t - 5t°.
¢) Do cao I16n nhit ctia vién dan so voi mt dat 1a 180m.
d) Vién dan dat d6 cao l6n nhat sau 6 gidy.
Cau 2. Goi (H) Ia hinh phang gisi han boi d thi hai ham sé f (x)=x* —2x+2 va g(x)=x+2.
a) Dién tich hinh phang gi6i han béi d6 thi ham sé y = g(x) cac duong thang x = -1 x =1, truc
Ox bang 4.
b) Hoanh do giao diém cta d6 thi hai hamso y = f (x) va y=g(x) la x=0;x=3.
c) Hinh (H) c6 dién tich bing %
2 . Aeus . . « 117
d) Theé tich khoi tron xoay khi quay hinh (H) quanh truc Ox bang =
Cau 3. Cho hinh phang (S) gi6i han bai do thi ham s6 y = f (x)=+v/25-x* , truc hoanh va hai duong
thiang x = -5,x =5.
a) Pao ham cua ham sé f (x) béing .
25— x°
b) Dién tich hinh phang (S) bang 257

c) Thé tich ciia khéi tron xoay khi quay (S) quanh Ox la %7[



d) Dién tich hinh phang gisi han bai d6 thi cac ham sé y = f (x) va duong thang y =3 bang
4

K =2[25-x* dx~12.
0

Cau 4. Trong khong gian véi hé toa & Oxyz, cho hai diém A(L-3;0),B(-5,12). Goi (P) la mt phang
trung truc cia doan thang AB . Xét tinh dung sai cua cAc ménh dé sau
a) AB=(6;-4,-2).
b) Mot vecto phap tuyén cia mat phang (P) 1a fi = (12;,-8;-4).
¢) Phuong trinh mt phang (P) la: —3x+2y+2-3=0.
d) Goi (Q) la mat phang di qua C(1—3;9) vasong song véi (P) thi mét phang (Q) di qua goc
toa do.

Cau 5. Cho hai ham s6 f(x) va g(x) théa man Tf(x)dx:?,;fg(x)dx:—z.
o [[1(9+ a0]x-1
b) T[3f(x)—g(x)—3]dx=1o.
c) i[seX—zf(x)]dx=3e6—3e2—6.

6
d) Biét j{3g(x)— Zxxz_s}dx=a+bln3 voi a;be Q. Khidé a®+12b=-8.
2

Cau 6. Cho ham sé f(x)=2x—sinx va F(x) la mot nguyén ham cua f (x).
a) Cho G(x)=F(x)+C véi C lahang sb thi G(x) la mot nguyén ham cua f (X)
b) J'f(x)dx= x? —cosx+C, v6i C lahang sé.
3 72 1
f(x)dx=2——=.
c) ! (x)dx 3 3
d) Dién tich hinh phang gi¢i han boi d6 thi ham sé f (x)=2x—sinx truc hoanh va hai dudng
2
thiang x = —1,x = 2 bang I(Zx—sin x)dx.
A

Cau 7.Chohamsd f(x)=x*-3x+5.Goi F(x) languyén ham cua f(x) va F(1)=5.
a) F(4)=37

b) j(x2 ~3x+5)dx = %
2

c) Dién tich hinh phang gisi han bai @6 thi hai ham s6 f (x)=x*-3x+5, g(x)=Xx+2 va hai
duong thang x =1, x =3 béing 4.
d) Thé tich khéi tron xoay tao thanh khi quay hinh phang giéi han bai do thi hai ham s6

f(x)=x*-3x+5, g(x)=x+2 vahai dudng thing x =1, x =3 quanh truc Ox bang %ﬂ'.

Cau 8. Trong khdng gian Oxyz , cho diém M (2;3;—1), va mat phang (P):x+2y—3z+1=0.
a) Vecto phap tuyén ciia mt phiang (P):x+2y—-3z+1=0 la fi=(12;-3)



b) Phuong trinh mt phang (Q) qua diém M (2;3;—1) va song song véi mat phiang (P) la

X+2y-3z+11=0

c) Phuong trinh mdt phang (R) di qua M (2;3;—1), song song véi truc Oy va vudng goc véi

mit phang (P) la 3x+z-5=0.

d) Cho mt phang () di qua M (2;3;-1), cét cac truc Ox,Oy,Oz lan luot tai 3 diém AB,C sao

cho diém M la truc tm tam giac ABC . Phuong trinh mét phing () 1a 2x+3y+2-14=0
Cau 9. Mot 6 to dang chay vai toc @6 72 (km/h) thi nguoi lai xe bat ngo phat hién chudng ngai vat trén
duong. Nguoi lai xe phan ing mot gidy sau d6 bang cach dap phanh khan cap. Ké tir thoi diém nay, 6 to
chuyén dong cham dan déu véi toe do v(t)=—10t +30 (m/s), trong d6 t Ia thoi gian tinh bang gidy ke tir
luc dap phanh. Goi s(t) 1a quang duong xe 6 o di duoc trong t (s) ké tir luc dap phanh.

a) Cong thuc biéu didn ham sé s(t) =—5t* + 30t + 72 (m).

b) Thoi gian ké tir lac dap phanh dén khi xe 6 to dirng han 1a 3 gidy.

c) Sau 3 gidy ke tur luc dap phanh, quang duong xe 6 t6 di chuyén dugc la 45 (m).

d) Quang dudng xe 6 0 da di chuyen ke tir lac nguoi lai xe phat hién chuéng ngai vat trén duong

den khi xe 6 t6 dung han la 120 (m).
Cau 10. Cho ham s6 f (x)=x*+1 vaham s6 g(x)=2x.

a) Ho nguyén ham cia ham g(x) 1a G(x)=x*+C

‘ 14
b) _([ f(x)dx = 5

c) Dién tich hinh phang gisi han bai cac ham sé f (x), g(x) va hai duong thing x=0,x=3
bang 3
d) Cho hinh phang (H) gi6i han béi ham sé f(x)=x*+1, truc hoanh va hai duong thang

x =1,x = 2. Thé tich khoi tron xoay tao thanh khi cho hinh (H) xoay quanh truc Ox 13 —171i”

Cau 11. Gia sir loi nhuan bién (tinh bang triéu déng) cia mot san pham dwoc md hinh hda bang cong thirc
P’(x) =-0,0008x +10,4 . O day ham s6 P(x) la lgi nhuan (tinh bang triéu dong) khi ban duoc X don vi
san pham. 7 ‘
a) Loi nhuan khi ban dugc x don vi san pham dwoc tinh bang céng thac
P(x)=-0,0008x* +10,4x .
b) Loi nhuan khi ban dwgc 50 san pham dau tién 1a 519 triéu dong.
c) Su thay doi caa lgi nhuan khi doanh so tang tir 50 [én 55 don vi san pham la 49,79 triéu
dong. v ’ 9
d) Biét su thay doi caa loi nhuan khi doanh so6 tang tir 50 Ién a don vi san pham l6n hon 517
triéu dong, khi d6 gia tri nho nhat cia a 1a 100.
Cau 12. Trong khdng gian Oxyz, cho diém A(1;2;3),B(2;-3;1) va mat phang (P):2x—y+2z+5=0.
a) Mot vecto phap tuyén cua mat phang (P) 1a n=(2;-1;2).
b) Khoang cach tir diém A dén mat phang (P) bang 2.
¢) Phuong trinh mt phing (Q) di qua A va song song véi mit phang (P) c6 phuong trinh la:
2X—-y+22+6=0.
d) Gia st diém M (a;b;c) thudc mit phang (Oxy) sao cho MA+MB ngin nhat. Khi d6 tong

a—b+20=z.
2

Cau 13. Cho F(x)=x*-x—5 la mt nguyén ham ctia ham s6 f (x).



X3 x?

a) f(x)zg—?—5x+c.

b) f(l)—f(2)=%.
c) Goi ham s G(x) ciing 12 mot nguyén ham cua ham sé f (x) va G(2)=-2 thi G(-2)=2.
d) Biét jG (3x—1)dx = ax® +bx® +dx+C véi b 1a phan sb tdi gian va a,d € Z. Gi4 trj ctia bicu
thac T=a+2b+d =-8.
CAu 14. Sau khi xuat phat, 6 td di chuyén véi toe do v(t)=2,01t —0,025t*(0 <t <10). Trong d6 v(t) tinh
theo m/s, thoi gian t tinh theo gidy vai t =0 1a thoi diém xe xuat phét.
a) Quang duong xe di chuyén duoc tinh theo cong thic 13 s(t) =2,01-0,05t(0 <t <10)
b) Quang dudng xe di chuyén duoc sau 3 s 12 8,82m.

¢) Quéng duong xe di chuyén duoc trong gidy thir 9 xap xi 15,277m (1am tron két qua dén hang
phan nghin)

d) Trong khoang thoi gian khong qua 10s dau, khi van tc dat gia tri 16n nhat thi gia téc cua xe
la 1,51m/s?

Cau 15. Cho ham s6 y = f (x)=2x+3. Biét F(x) la mot nguyén ham cia f (x) trén K.
a) Biét F(1)=2 thi F(x)=x*+3x+2.
2 2 0
b) Gia tri cua [ f (x)dx— [ f (x)dx+ [ f(x)dx bang 42.
0 5 -1
c) Dién tich hinh phang gisi han béi cac duong y = f (), truc hoanh va x=-2, x=1 bang 6
d) Thé tich khéi tron xoay thu duoc khi quay hinh phang gi¢i han boi hai duong y = f (x) va

y = x* —2x+6 quanh truc Ox bang 15567

Cau 16. Trong khong gian véi hé truc toa dd Oxyz, cho diém H(2;1;2) 1a hinh chiéu vuéng goc cua goc
toa d O xudng mit phang (P)
a) Mit phang (P) di qua O nhan OH lam mot véc to phap tuyén.
b) Mit phang (P) c6 phuong trinh 2x+y+2z-9=0.
¢) Ton tai mot gia tri cia tham s6 m nguyén duong dé miat phang (Q):x—my—m=0tao voi
mit phing (P) mot goc 45°.
d) C6 duy nhat mot mit phang () song song véi (P) cach M (3;2;1) mot khoang bang % biét

rang trén () tdn tai mot diém E(a;b;c) thoa man 2a+b+2c<4.

Dang 3. Cau tric nghiém tra loi ngin

1 Ax-2
Cau 1. Tinh | = j 32de (viét két qua dudi dang s6 thap phan va 1am tron dén hang phan muoi).
0

Tra loi: (viét tir tréi sang phai, néu la s6 am thi 6 dAu tién bén trai 1a d4u trir —) N

Cau 2. Cho ham s6 F(x) la mot nguyén ham ctia ham sé f (x) =(x*—2)(2x+1) va F(—l):l. Tinh

6
F (—%} (viét két qua dudi dang s thap phan va lam tron dén hang phan tram).



Cau 3. Mot vat dang chuyén dong déu véi van téc v=d(m/s) thi bat dau ting tc voi gia toc
a(t) =5t +2t>(m/s%). Biét quing dudong L vat di chuyén trong khoang thoi gian 10(s) tinh tir thoi diém
vat bt dau tang téc 1a 2900(m) . Tim van téc ban dau d cua vat do.

2
Cau 4. Két qua phép tinh tich phan | zj'zx;ldx c6 dang 1 =aln5+bIn3 (a,beQ). Khi d6 biéu
o X +4x+3

thic P :2;02 c6 gia tri bing bao nhiéu?
a“+ab+3b

Cau 5. Cho ham sb f(x) lién tuc trén (—;0)uU(0;+0). Biét ring f'(x)=ax +£2,VX =0 va
X

f'@0)=0, f(1)=4, f(-1)=2.Khi d6 biéu thuc P =37*" ¢¢ gié tri biang bao nhiéu?

Cau 6. Cho d6 thi ham s6 y =cosx va hinh phang duoc t6 mau nhu Hinh 6.

Tinh dién tich hinh phang do (viét két qua dudi dang s6 thap phan va lam tron
den hang phan muoi).

Cau 7. Cho khdi tron xoay nhu Hinh 7. Tinh thé tich cua khéi tron xoay dugcC S*
tao thanh bégi hinh phang cho & H‘mh 7 khi quay quanh truc Ox (viét két qua 2>
dusi dang sé thap phan va lam tron dén hang phan mudi). b
X
O \
A f J Y pY A r A . f T )
Céu 8. Cho g(x) =J. f(t)dt, (0<x<7) trongdo f(t) 1a ham so6 c6 do thi
0
nhu Hinh 8. Tinh g(3). \
I AVIG)
[0 5 1
Hinh 8

Cau 9. Mot vat dugc ném Ién tr do cao 300m voi van tdc dugc cho bai

cong thac v(t) =-9, 81t + 29, 43(m/s) (Nguon: R. Larson and B. Edwards, Calculus ioe, Cengage). Goi
h(t)(m) 1a d6 cao cua vt tai thoi diém t (s). Sau bao 1au ké tir khi bt dau dwoc ném 18n thi vat d6 cham
dat (1am tron két qua dén hang don vi ctia mét)? 7 ‘ ’

Céau 10. Tinh dién tich hinh phang gidi han bai hai duong thang x =0, x =z, do thi h.s0 y =cosx vatruc
Ox (két qua lam tron dén hang phan chuc). 7

Céu 11. Tinh thé tich khoi tron xoay dugc tao thanh khi cho hinh phang gidi han boi cac duong
y=e*, y=0, x=0, x=2 quay quanh Ox. (két qua lam tron dén hang phan chuc).

Cau 12. Mot vat chuyén dong véi van téc v(t) =1-2sin 2t (m/s). Tinh quing duong vat di chuyén trong

khoang thoi gian tir t =0 (gidy) dén thoi diém t = 37” (giay) (két qua 1am tron dén hang phan chuc).
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Cau 13. Cho ham sé F(x) 1a mot nguyén ham caa ham sé f(x) =3x* —4x+1 va F(2) =2. Tinh F(3).

Cau 14. Cho d6 thi ham sé y =22 va hinh phing dugc t6 mau nhu Hinh 1.
Tinh dign tich hinh phang d6 (viét két qua dudi dang so thap phan va lam tron
den hang phan tram).

Cau 15. Mot vat chuyén dong voi gia toc dwoc cho bai ham s
a(t) =5cost (m/s®). Luc bat dau chuyén dong vat c6 van téc 2,5m/s. Tinh
gia toc cua vat tai thoi diém van téc dat gia tri lon nhétﬁtrong 7 (s) dau tién. Hinh 1 |
Céau 16. Trong khong gian Oxyz, cho hai diém A(0;2;-3), B(5;-7;-1), C(1;1;1), mat phang
(P):x+my+nz+k=0, mn,ke N". Téng m+n+k bang bao nhiéu? (két qua lam tron dén hang phan
chuc). ﬂ

Cau 17. Trong khong gian Oxyz, cho hai mat phang (P):x+my+2nz+1=0, (Q):-2x+y-z+15=0.
Biét (P) song song (Q), tinh m+n. (két qua Iam tron mot chix s6 thap phan). 7

Cau 18. Trong khong gian Oxyz, cho mat phang (P):x+my+2z =0 (m>0) va diém M(0;1;0). Khoang

cach tir M d&én mat phing (P) bang %.Tinh m.

Cau 21. Mot vat chuyén dong trong 3 gio véi van téc V(Km / h) phu thuoc vao thai gian t(h) c6 db thi
van téc nhu hinh bén. Trong thoi gian 1 gio ké tir khi bat dau chuyén
dong, d6 thi d6 1a mot phan cua duong parabol c6 dinh 1(2;9) va truc
dbi Xung song song Véi truc tung, khoang thoi gian con lai dd thi 1a mot ST
doan thang song song vai truc hoanh. Tinh quang dudng § ma vat chuyén
dong dugc trong 3 gio d6 (két qua lam tron dén hang phan tram).

A. s =21,58(km)

B. s =23,25(km)

C. s=13,83(km)

D. s=15,50(km) =

- s s
M EEEEE LT EY O

‘ ~ DE1THAM KHAO
PHAN I. Thi sinh tra loi tir cau 1 dén cau 12. Méi cau héi thi sinh chi chon mt phwong 4n.

Caul: Honguyén ham cuahamsé f(x)=x** la
A. 2026x7% +C. B. 2026x** +C. C. iX2026 +C. D. LX2026 +C.
2025 2026
Cau2: Honguyén ham cuahamsé f(x)=———— la
sin® x
A. tanx+C. B. —tanx+C. C. —cotx+C. D. cotx+C.
Céau3: Cho f (x) =2025*. Khang dinh nao sau day 1a diing?
A [ f(x)dx= 2025 ¢ B. [ f(x)dx=2025"In2025+C .
In2025
2025
C. | f(x)dx= +C. D. | f(x)dx =2025""+C..
[t (o= 22 102
Cau 4: Ho nguyén ham caa hamsé y = 3
X
A. 3x+C. B._—§+C. C. 3In|x|+C. D. 3Inx+C.
X
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Cau 5: ChoJ' x)dx =2 va Ig x)dx =5 . Khi d6 tich phanj[ )+9(x)]dx bang

A. 10 B. 7. C —10 D. 7.
Cau6: Cho _[ x)dx =2 va J. x)dx =-2. Gia tri Cuaj dx bang

Al B. 4. C.O. D. 4.
1
Cau7: Cho F(x)=x’ [amot nguyén ham ciia ham s f (x). Tinh | :J'f(x)dx.
0

A 4. B. 2. C. 1. D. 3.
Cau8: Cho ham s f(x) lién tuc trén R va F(x) 1a nguyén ham cua f(x), biét F(0)=3 va
9
F(9)=12. Tich phan I = [ f (x)dx bing
0

A l=4. B. 1=9. C.1=-9. D. I =15,
Cau9: Chohamsé y= f(X) lién tuc trén [a,b]. Dién tich hinh phing (H) gi¢i han béi do thi ham s6
y=f (X) , truc hoanh va hai dudng thing x =a;x =b dugc tinh theo cong thic

A S:nj'[f(x)}zdx. B. S:jlf(x)dx. C. S:nj"f(x)‘dx. D. S:j.‘f(x)‘dx.

Cau 10: Trong khong gian Oxyz , cho mét phang (P)c6 phuong trinh la x—y +2z —3=0. Vec-to phap

tuyén cua mat phang (P)la

A. fi=(11-2). B. i=(3-12). C. i=(12-3). D. i=(-12-3).
Cau 11: Trong khong gian Oxyz , phuong trinh ctia mit phing nao dudi day song song véi mat phang toa
do (Oxy)
A. Mit phang (P):x=1. B. Mit phang (Q):y =
C. Mit phang (T):x+y=1. D. Mit phing (R):z=

Cau 12: Trong khdng gian Oxyz , mat phing (P) di quadiém M (3;-14) dong thoi vudng goc véi dudng
Xx-3 y+1 z-2

thang d : 1 c6 phuong trinh la
A 3x-y+4z+12=0. B. x-y+2z+12=0.
C.3x—-y+4z-12=0. D. x—-y+2z-12=0.

PHAN Il. Thi sinh tra loi tir cAu 1 dén cau 4. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon diing
hoac sai.
Caul: Chohamsé f(x)=3.

1
X)dx =3x+C . b) [[f( “dx =x° —=x2+2x+C
a)j X =3X + )I[ X)+ x| dx = x SX 2
c) Goi F(x) la mot nguyén ham cua f(x). Khi F(1)=1 thi F(x)=3x-1.
d) Goi F(x) 1a mot nguyén ham cua f(x) khi F(1)=1 thi tacé:
F(1)+F(2)+..+ F(100) =14590
(%)

Cau2: Chohamsd f(x)=+e*+e™+2 va F(x) lamotnguyén ham cia f(x) saocho F(0)=1. Xét
tinh dung sai cuia cac khang dinh sau?
a)jf x)dx =e* —e™ +2x b)F(l):Z\/E+1

c) F(x)=+e*—e™+2x+1

12



Céu 3:

Céu 4:

X

d) Phuong trinh F(x)=2e? —3 ¢6 nghiém duy nhat x =-2In2.
D6 thi cac duong y = x; y =(x—2)” cho bai hinh v& dusi day. Goi y
S, la dién tich hinh phang giéi han boi dudng y = x, truc hoanh,
x=0;x=1 va S, dién tich hinh phang gigi han boi duong

y:(x—l)z, truc hoanh, x=1, x=2.

27 S VR Y A
1 2
a) S, = [|x|dx. b) S, =—[(x-2)"dx. 1} YA
0 1 o) T

c) S :j-|x|dx:j.xdx
0 0

d) Dién tich hinh phing gi6i han boi y = x; y = (x—2)° va truc hoanh bing S = %

Trong khong gian Oxyz, cho ba diém A(L11);B(L-2;3);C(2,-12).
a) Ba diém A, B,C di cho thiang hang.

b) C6 vd s6 mit phang di qua ba diém A, B,C di cho.

c) Mat phang (ABC) c6 mét vecto phap tuyén n=(12;3).

d) Mt phang (ABC) c6 phuong trinh 1a x+2y +3z-6=0.

PHAN I11. Thi sinh tra loi tiv cau 1 dén cau 6

Cau 1:

Cau 2;

Cau 3:

Cau 4:

Cau 5:

Cho F(x) la mot nguyén ham caa ham s f (x)=(3-2x)(x-2)", biét F(1)=0. Tinh F(3)
(Két qua 1am tron dén phan chuc)
Pap an:

Cho F(x) la mot nguyén ham cua ham sé f (x) = 3 ! . vathoaman F(0)+F(3)=5. Giatri

cua biéu thic T = F(—1)+ F(11) bang bao nhiéu? (két qua liy chinh x4c dén hang phén tram).
Pap an:

S6 dan caa mot thi tran sau t nam ké tir ndm 1990 duoc udce tinh theo mot ham sé theo thai gian

f(t) (f(t) duoc tinh bang nghin nguoi). Bictrang f'(t) = (nghin nguoi/nam) biéu

t?+4t+4
thi tdc do6 tang dan s6 cua thi trin. SO dan cua thi trdn d6 vao nam 2035 1a bao nhiéu? (két qua
lay chinh xac dén hang phan chuc) biét dan s6 cua thi tran d6 nam 1990 l1a 3 nghin ngudi.

Dap an:

Goi h(t)m la muc nuéc & bon chira sau khi bom nuée dugce t gidy. Biét ring h'(t) = %i/f (m/s)

va luc dau bon khong c6 nude. Tim mic nudc ¢ bdn sau khi bom nude duoc 6 gidy (1am tron két
qua dén hang phan tram).
Pap an:

Mot quan thé vi khuan ban dau gém 500 vi khuan, sau d6 bat dau tang truong. Goi P(t) Ia sé
lwong vi khuan cua quan thé do tai thoi diém t, trong d6 t tinh theo ngay (0 <t <10). Tc do
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Cau 6:

ting trudng cua quan thé vi khuin d6 cho boi ham sé P'(t) = k+/t , trong d6 k Ia hing sb. Sau 1

ngay, s lugng Vi khuan ciia quan thé d6 da tang 1én thanh 600 vi khuan (Nguon: R. Larson and
BEdwards, Calculus 10e, Cengage 2014). Tinh s6 lugng vi khuan cua quan thé d6 sau 9 ngay.
Pap an:

Mot phan san nha bac An c6 dang hinh thang ABCD
vudng tai A va B v6i do dai AB=9mAD =5m va A 9m B
BC = 6m nhu Hinh 5.9. Theo thiét ké ban dau thi mat

san bang phiang va A, B,C,D c6 d6 cao nhu nhau. Sau

d6 bac An thay dbi thibt ké dé nuoc c6 thé thoat vé ™ 6 m
phia goc san & vi tri C bang céach gitr nguyén do cao
& A, giam d6 cao cuasan o vitri B va D xubng thip
hon do cao & A lan luot 13 6cm va 3,6 cm. Dé mat
san sau khi 14t gach van 1a bé mit phang thi bac An
can phai giam do cao & C xudng bao nhiéu cm so voi do cao & A ? (Két qua 1am tron dén hang
phan chyc)
Pap an:

(&4

PE 2 THAM KHAO

PHAN I. Thi sinh tra 1&i tir cAu 1 dén cau 12. Mdi cau héi thi sinh chi chon mét phwong an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ho tat ca cac nguyén ham ciia ham so f (x)=x* Ia

A. 4x* +C. B. 3x*+C. C.x*+C. D%x4+C.
Ho tat ca cac nguyén ham cta ham s6 f (x)=2sinx la

A JZsinxdx:—Zcosx+C. B. _[ZSinxdx:Zcosx+C.

C. JZsinxdx:sin2x+C. DJZSinxdx:sin2x+C.

Ho tat ca cac nguyén ham cua ham sé f (x)=+/2x-1 la

A (x dx— (2x-1)y2x-1+C. B. [ f(x 2x 1)yJ2x-1+C.
C. [ f(x :——mw. D. [ f(x ﬁ+c

Tinh tich phan 1 = j (2x-1)dx.
0

A. 1=0. B.1=2. C.1=6. D.1=4
Cho ham sé y = f (x) > 0lién tuc duong trén [a;b]. Goi (H) 1a hinh phing dugc gisi han bai
cac dudng thang x=a,x=b, dd thi y= f(X) va truc hoanh. Khi d6 dién tich hinh (H) duoc

xac dinh boi cong thirc
b

=If(x)dx. B.S :Tf(x)dx. C.S :j‘F(x)dx. D. S =‘TF(x)dx.

a

A. S,
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Cau6: Choham sé y= f(x) lién tuc trén R c6 dd thi nhu hinh v&. Goi
Y
(H) lahinh phang duoc giéi han béi cac dudng thang x = -1, x = 2 v=f(a)
, do thi y=f (x) va truc hoanh. Khi dé khflng dinh nao dudi day
1 dting?
—1 T
2 1 2 o] 1 2
A. S, :J.lf(x)dx. B. S, :J-lf(x)dx+! f (x)dx. { \/
_1 2 : 1 2
C. Sy = J; f (x)dx—'lf f(x)dx. D. Sy, = —_[ f (x)dx+Jl‘ f(x)dx.

Cau7: Mot 6 to dang chay voi van toc 15 (m/s) thi ting toc chuyén dong nhanh dan véi gia toc a =t +2
(m/s?), trong do t |a, khoang thoi gian tinh bang gidy keé tir lac tang van toc va 0 <t <10. Hoi tai
gidy thtr 9 thi van toc cua 0 t6 la bao nhiéu m/s?

A. 85,3(m/s). B. 83,5(m/s). C. 73,5(m/s). D. 75,3 (m/s).

Cau 8: Khi cit mot vat thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh d6 x véi diéu kién
(—Jé <x< J§) , mit cét 1a hinh vudng c6 do dai cac canh 13 v3—x® . Thé tich caa vat thé da
cho bang
A 3. B.4/3. C.47:/3. D.7+/3.

Cau 9: MGt vat chuyén dong thang c6 do thi van toc nhu hinh (m/s)

Vé sau: i

Tinh quang duong (don vi mét) ma vat chuyén dong
trong 60 giay dau tién:

A. 680m. B.550m.

C.560m. D. 650 m.

Céau 10: Trong  khébng  gian Oxyz , mit  phéng i)
(P):x+y+2z-1=0 co mdt vecto phap tuyén la:

A n =(-111). B. n, =(L-11). C. n,=(111). D. n, =(31-1).

Cau 11: Trong khong gian Oxyz , cho mit phang (P):x—y+2z+2=0. Mit phiang (P) di qua diém nao
dudi day?

A. Q(110). B. P(0;1;0). C. M(L0;-3). D. N(0;0;-1).

Cau 12: Trong khong gian véi hé truc toa do Oxyz, cho hai mat phfmg (a):x—2y+3z +1=0 va
(B):2x—4y+6z+1=0, khi do:

A. (a) i (p). B. (a)=(B). C.(a)L(B). D. (a) cit (B).

PHAN II. Thi sinh tra loi tir cAu 1 dén cau 4. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chen diing

hoac sai.

Caul: Mot vat dang chuyén dong voi van toc v =72 (km/h) thi thay ddi van toc véi gia toc dugc tinh

theo thoi gian t 1a a(t) =4+ 2t (m/s?).

a) Van toc cuia vt khi thay doi 1a v(t) =t — 4t (m/s).

b) Tai thoi diém t =0 (khi vat bat dau thay doi van toc) ta cé V, = 20 m/s. Suy ra biéu thirc biéu
thi van toc 1a v(t)=t* -4t +72.

¢) Quang duong vat do di duoc trong khoang thai gian 3 gidy ké tir khi bét dau tang toc 1a 9 (m)
d) Quang duong vat di dugc ké tir thoi diem thay do1 van toc dén lac vat dat van toc bé nhat 1a

104
3 (m)
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Céu 2:

Céu 3:

Céu 4:

Choddthihamsd y=x?—3x+2 va y=x-1va S;S, laphan dién tich phan dugc t6 nhu trong
hinh dudi.
a) Dién tich hinh phing gigi han bai @6 thi ham sé y

y=x"-3x+2vay=x-11a

S = [(-x* +4x—3)dx

O ey W

b) S, =

c) S, =5,
d) Dién tich hinh phing gidi han boi do thi ham sé
y=x"-3x+2; y=x-1; x=0; x=3la

3

I(—xz +4x-3)dx=1

0
Rua va tho tranh tai: Trong mét cugc thi chay dua gitra rua va tho xem ai chay dugc quang duong
xa hon, riia chay véi tde d6 v, (t) =3/t , tho chay véi tde do v, (t)=5-5cos(2xt) (vai t 1 thoi
gian (don vi: gio), van téc don vi km/h). (Cac két qua lam tron gén hang phan tram, don vi km)
a) Trong khoang thoi gian tir 0,5 gio dén 1 gio (ké tir khi xuat phat) thi van toc cuaa tho giam
dan.
b) Quéang duong rua chay duoc sau 0,5 gio la 0,70 km.
¢) Néu cudc dua két thic sau 1 gio thi the gianh chién thiang va thang cach biét 3,15 km.
d) ’Néu cudc dua két thuc khi tho hoic ria chay duoc 10 km dau tién thi tho gianh chién thing va
thang céch biét 4,34 km.
Trong khong gian Oxyz, cho diém A(1;2;5) va mat phang («):x+2y+2z—6=0. Xét tinh
dung sai cua cAc ménh dé sau:
a) Vécto n=(L2; 2) 1a mot vecto phap tuyén cua mat phang ().

w| >

b) Phuong trinh mt phang (4) di qua diém A va song song véi mét phang (e) c6 phuong trinh
X+2y+2z+15=0
¢) Phuong trinh mit phang (y) di qua hai diém O va A dong thoi vudng géc véi mét phang

(&) c6 phuong trinh 2x—y=0.

. , 2 4
d) biém M e(«a)sao cho A,O,M thang hang thi toa do M (EEZJ

PHAN I11. Thi sinh tra loi tie cau 1 dén cau 6

Cau 1;

Cau 2;

2 —_— —
Biét F(x)=(ax’+bx+c)v2x—4 la mot nguyén ham cua ham sb f(x)=1ox \/213)(4 252
X_

trén khoang (2;+o). Tinh gia tri biéu thac T = abc.
Dap an:

Cho d6 thi ham s6 y = f (x) = x? va duong thdng y = g(X)=mx+n nhu hinh v& duéi déy:
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Av
Néu a=3,b=9. Khi dé dién tich phan gach nhu hinh trén bang \A
bao nhiéu?
Pap an:

Cau 3: Mot truong THPT mudn 1am mot cai ctira nha hinh parabol c6
chiéu cao tir mit dat d&én dinh 1a 2,25 mét, chiéu rong tiép giap
v6i mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 1500000 dong. Vay sb tién nha trueong phai tra
13 bao nhiéu (Pon vi: triéu dong)?(Két qua 1am tron d&én hang phan tram).

Pap an:

Cau 4: Trong khong gian véi hé truc Oxyz, cho mat phang (a) :X+by+cz+d =0 vubng goc véi mat
phang (B3):x+2y+3z+4=0 va chta giao tuyén cua hai mat phang (P):x+3y+z-7=0,
(Q):x—y+z+1=0. Khi d6 gia trj cia d bang bao nhiéu?
Pap an:

Cau5:  Trong du &n phat trién duong cao téc, nguoi ta can xay cac ham chui xuyén qua ndi bang bé tong
¢6 chiéu dai 5m nhu hinh vé& (dudng cong trong hinh vé 1a cac duong Parabol). Biét 1m® khéi bé
tong dé xay dung ham chui c6 gia 5 triéu dong. Tinh s6 tién can bo ra dé xay dyng ham chui trén
(Pon vi tri¢u dong).

Pap an:

Cau 6: Trong khong gianOxyz cho A(L-12),B(-2;0;3),C(0;1;,-2). Goi M (a;b;c) la diém thuoc mat
phang (Oxy) sao cho biéu thuc S = MAMB +2MB.MC +3MC.MA dat gia tri nho nhat. Khi d6

gia tri cua biéu T =12a+12b + 2025¢ bing bao nhiéu?
Dap an:

CHUY:
eTrén day chi 1a 16 cau hoi goi ¥, tham khao, mang tinh chat dinh huéng.
e Thay (cd) co the hudng dan hoc sinh tham khao thém phan bai tp ¢ SGK 12 ctst va cac bai toan ung
dung thuc tien & mae d6 3(GQVD: giai quyét van dé€) va miac d6 4(MHH: md hinh hda toan hoc) ¢ cac tai
liéu khac.
CHUC CAC EM LAM BAI KIEM TRA PAT KET QUA TOT!
TTCM._. Pd Lé Hai Thuy
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