7 On thi QG Lép KHXH Tai liéu tu hoc danh cho HS Lép KHXH " New 2020
BAI 1: NGUYEN HAM
¥ _Dang 1. Pinh nghia, tinh chit va nguyén ham co ban

®-Phwong phdp:
O Siur dung bdng nguyén ham

Ham so cap Ham sb hop u=u(x) Thudng gip
®.jdX:X+C (D.Jdu:u+C. @. Vi phén d(ax-i-b):ldx

a
a+l a+l ®.
®jx“dx_x +C ®Iu”‘du—u +C 1
a+1 a+l [(ax+b)" dx==- —(ax+b)“+1+C
(a#-1) (a#-1) a a+l
®. Q.
®.I ax =£In|ax+b|+C(a¢ 0)
ax+b a

dx
j?_ln|x|+C (x=0)

ji—uzln|u|+c(u(x)¢0)

@.Icosxdx:sin x+C

@.Icosudu =sinu+C

®. Icos(ax+b)dx =§sin(ax+b) +C

®.jsin xdx =—-cosx+C

®.Isinudu =—-cosu+C

®. j sin(ax +b)dx =—§cos(ax+b)+c

©.I 12 dx=tanx+C
COS“ X

©._[ 12 du=tanu+C
cos” u

IL Lian(ax+b)+C
cos’(ax+b) a

Véi Véi
x =2k u(x)¢£+k7r
2 2
°. ®.I _12 du=-cotu+C ®.I#Xb)=_—lcot(ax+b)+c
I ——dx=-cotx+C. sih-u sin-fax+ @
sin® x Véi u(x)=kr
Véi x =k
.jeXdX=eX+C .Ie“du =e'"+C ®. J'eax+bdx ax+b+C
a
@. .[axdx— a +C @. _[a du = 2 +C ©-Iapx+qu=—apX+q+C
Ina Ina p.Ina
(0O<a=1) (0O<a=1) (0<a=1)

® Dung may tinh cim tay
Cho [ f(x)dx=F ()+C. Tim f(x) hodc F(x)

v’ Nhén shift di(F(X))lxx
» _

—£(X)

v'. Nhan phim Calc nhap X = 2.5
v'. Néu két aua bana 0 (aan bine 0 ) thi d6 1a dap 4n can chon
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®_Bai tip minh hoa:

Caul. Tét ca nguyén ham ciia ham s6 f(x)= LR
2X+3
1 1
A. EIn|2x+3|+C. B. Eln(2x+3)+C.
C. In[2x+3+C. D. ﬁln|2x+3|+c.
Loi giai PP nhanh tric nghiém
Chon A w Dung may tinh cam tay:
1 10 1 1 d 1 1
f(x)dx=|——dx== d(2x+3)==In2x+3+C.
CALC X =-2

Luwu y: Trong két qua A va C néu cho X =
2 thi déu cho két qua 1a 0. Vay khi co tri
tuyét ddi thi cho X mot gia tri cho biéu
thirc trong tri tuyét d6i am.

Cau2. Néu _[f(x)dx=4x3+x2+C thi ham s f (x) béng

3

A. f(x):x4+X§+Cx.

C. f(x)=12x*+2x.

B. f(x)=12x*+2x+C.

3

D. f(x)=x"+=.
(x) x+3

Loi giai
Chon C

Taco: f (x):(j f (x)dx)’ :(4x3‘+x2 +C)’ =12x? +2x

PP nhanh tric nghi¢ém
w Dung méy tinh cam tay twong tu cdu 1

Cau3. Chohamsé f(x) co f'(x):2 7 v6i moi x% va f(1)=1.Khidé6 gia tri ciia f (5) bang
X_
A. In2. B. In3. C.In2+1. D. In3+1.
Loi giai PP nhanh tric nghi¢ém

Chon D O Tw duy :

£, ' _ A 5
Ta co: If (x)dx = f (x)+C nén If’(x)dx: f(5)- 1 (1)

1 1 1
f(x)= dx==In|2x-1+C
(x) I2x—1 x=2 n|2x-1+

Mit khéc theo dé ra ta co:

f(1)=1@%|n|2.1—14+0=1@c =1 nén
f(x)=%|n|2x—]4+1

Do vy f(5)=%In|2.5—]4+1=%|n9+1=In3+1.

= f(5)= f(1)+]:. f'(x)dx:1+j f'(x)dx

® Quy trinh bAm may : Str dung chirc
nang tinh tich phan:

1
2x-1

dx valuuvao A

5
-Tmhj
1

2
Fb: ThayTrongDGI
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i} Math &
5_1
J1 FroT U
, 1. 093612289
- Tim phuong 4n c6 gia tri bang 1 + A
A.
F Math &
1+A-C1lnc2a)
1. 405465108
D.
[} Math &
1+A-C1hC32+1)
B, 9951
- La gia trj rat nho gan dén 0 nén thoa man.
Chon D
@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhan biét: (10 cau)
Caul. Tim nguyén ham ciahamso f(x)=x* +l :
X
A jf(x)dx:3x2+%+c. B. If(x)dx:x—4+lnx+C.
X 4
C. jf(x)dx:3x2—i2+c. D. jf(x)dx:x—4+ln|x|+C.
X 4
Cau 2. Trong cac khiang dinh sau, khang dinh nao sai?
e+l
A. jcostdx=lsin2x+C. B. J'x"‘dx= X _ic
2 e+l
1 Xe+1
C. I—dX:In|X|+C. D. Ixedx= +C
X X+1
Cau 3. Ho nguyén ham cia ham s f (x)=3x"+sinx la:
A. x*+cosx+C. B. 6x+cosx+C.
C. x*—cosx+C. D. 6x—cosx+C.
Cau4. Tatcd nguyén ham ciia ham s6 f (x)= ! la.
2X+3
1 1
A EIn|2x+3|+C. B. Eln(2x+3)+C.
C. In|2x+3/+C. D. iIn|2x+3|+C.
In2
Cau5. Gia st cac biéu thirc sau déu c6 nghia cong thirc ndo sau day sai?
A.'f 12 dx=tanx+C. B. jexdx:eX+C.
COS™ X
3

Fb: ThayTrongDGI Fai liéu bitn soan vA swu tim Chiic cac em hoc tot !
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C. J'Inxdx:1+c. D. jsinxdx:—cosx+c.
X

Cau 6. Ho nguyén ham ciia ham sé f (x)=e” +x* 13

er X3 . 2

A. F(x)= 5 +§+C. B. F(x)=e"+x’+C.
3

C. F(x)=2e"+2x+C. D. F(x):ezx+%+c.

Cau 7. Nguyén ham ctahamsd f(x)=x®+3x+2 la ham sb nao trong cac ham sb sau?

4

A. F(x)=3x*+3x+C. B. F(x):%+3x2+2x+c.

C. F(x)=§+3—)2(2+2x+c. D. F(x):XZ4+XEZ+2x+C.
Cau8. Honguyén ham cua ham sb f(x)=e*(3+e™) la

A. F(x):3ex—e—1X+C. B. F(x)=3¢"—x+C.

C. F(x)=3e*+e*Ine*+C. D. F(x)=3e"+x+C.

Cau9. Ho nguyén ham ctia hamsé f (x)=e*+cosx la

A. e —sinx+C. B. iex+1+sinx+C.
X+1
C. xe**—sinx+C. D. e¥+sinx+C.
Cau 10. Nguyén ham cia hamsd f x =x+3* Ia;
2 X X
A F X :X—+3 +C. B.F x =1+ +C.
In3 In3
x2 NG
C.F x :?+3*+C. D. F x :?+3X.In3+c.

2. Théng hiéu: (10 ciu)

Cau 11. Timnguyén ham F(x) ciahamsd f (x)=sinx+cosx thoa man F (%) =2.

A. F(x)=cosx—sinx+3. B. F(x)=—cosx+sinx+3.
C. F(x)=—cosx+sinx—1. D. F(x)=—cosx+sinx+1.
Cau 12. Tim nguyén ham jszdx
sin? xcos? x
A. F(x)=—-cosx—sinx+C. B. F(x)=cosx+sinx+C.
C. F(x)=cotx—tanx+C. D. F(x)=—cotx—tanx+C.

Cau 13. Cho F(x) lamot nguyén ham ctia ham s6 f (x) = 4e®* +2x théa man F (0)=1. Tim F(x).
F(x)=4e”+x? B. F(x)=2e"+x"-1.
F(x)=2e"+x"+1. D. F(x)=2e*-x"-1.

4
Fb: ThayTrongDGI Tai ligu bién soan va swu tim Chiic cac em hoc tot !
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Céau 14.

Céau 15.

Cau 16.

Cau 17.

Cau 18.

Céau 19.

Céu 20.

Cho ham s6 y = F(x) 12 mot nguyén ham ctia ham s6 y = x’. Biéu thac F'(25) bang

A. 125. B. 625. C.5. D. 25.
Biét F (x)1a mot nguyén ham cia ham sé f (X) = — - va F(0)=1.Tinh F(1).

X"+
A F()=In2+1.  B. F(l):%ln2+1. C. F(1)=0. D. F(1)=In2+2.

Biét F(x) la mot nguyén ham cta ham s f(X)=2x+2" thoa man F(0)=0.Taco F(X)

bang
A x+2 L B. x2+122 C.1+(2°-1)In2.  D.x*+2"-1.
In2 In2
Cho F(x) 1a mot nguyén ham cia ham s f ()= 2X1 1.Biét F(1)=2.Giatrictia F(2)la

A. F(Z):%In3+2. B. F(2)=h3+2. C F(Z):%In3—2. D. F(2)=2In3-2.

Nguyén ham F(x) cua hams6 f(x)=2x+
sin®x

thoa man F (%) —_11a

2 2 2
A. —cotx+x2—2— . B.cotx—x*+2. C. —cotx+x%—1. D. cotx+x2 -2,
16 16 16

Timnguyén ham F x cuahamsb f x =sin 7—2x thoa man F[%]:l.

—cos(r—2X) 1 cos(r—2x) 1
—cos(z—2x) 1 cos(z—2x) | 1

A F(x)= 5 % B. F(X)= 5 5
c F(X):COS(ﬂ—ZX) Iy D. F(X):COS(EZ—ZX)_%.

Tim F(X) la mot nguyén ham ctia ham sé f (x)=e*—1 trén (—o0;+0), biét F(0)=2.

A. F(x)=Inx—x-1. B. F(x)=e"—x-1.

C. F(x :ix—x+1. D. F(x)=e"—x+1.
e

Bang dap an

1.D 2.D S{C 4.A 5.C 6.A 7.C 8.D 9.D 10.A

11.D 12.D 13.B 14.B 15.D 16.A | 17.A | 18A 19.B 20.D

Huwong dan giai

Caul. Tim nguyén ham cua ham sé f(x)=x3+1.
X
A. J.f(x)dx:3x2+i+C. B. Jf(x)dx=x—4+lnx+C.
x? 4
C. jf(x)dx=3x2—i+c. D. If(x)dx=x—4+ln|x|+C.
X2 B 4
Loi giai
Chon D
5
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4
Ta co: If(x)dx:J'(xs'+%jdx:J'x3dx+_|édx:xj+ln|x|+c.

Cau 2. Trong cac khang dinh sau, khang dinh nao sai?

e+l
A. jcostdx:lsin2x+C. B. _[xedx: X _.c.
2 e+l
1 . Xe+1
C. I—dx:ln|x|+C. D. _[x dx = SNie].
X X+1
Loi giai
Chon D
Cau3. Ho nguyén ham ciia ham sé f (x)=3x*+sinx la:
A. x®+cosx+C. B. 6x+cosx+C. C. x*-cosx+C. D. 6x—cosx+C.
Loi giai
Chon C
Taco _[(3x2+sin X)dx =x* —cosx+C.
Cau4. Tétcanguyén ham cia ham s f(x)= L
2X+3
1 1
A. EIn|2x+3|+C. B. Eln(2x+3)+C.
C. In[2x+3+C. D. iIn|2x+3|+C.
In2
Loi giai

Chon A
j f (x)dx =_[2

Cau 5.  Gia str cac biéu thirc sau déu c6 nghia cong thirc nao sau day sai?

1
X+3

dx=%|n|2x+3|+C.

A.J. 12 dx=tanx+C. B. _[exdx:ex+C.
COS” X
C. J‘Inxdx=£+c. D. Isinxdx=—cosx+C.
X
Loi giai
Chon C

Theo bang nguyén ham ta chon cau sai la jlnxdx = 1 +C.
X

Cau6. Ho nguyén ham ciahamsd f(x)=e*+x* Ia

e2x X3 . )
A. F(x)=7+€+c. B. F(x)=e"+x’+C.
3
C. F(x)=2e"+2x+C. D. F(x):e2X+X§+C.
Loi gidi
Chon A
Taco F f(x)d o= X e
aco (x)_f () x_I(e +X )dx_7+€+ .
6
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er X3

+—+C.
2 3

Viy F(x)=

Cau 7. Nguyénham ctahamsd f(x)=x®+3x+2 la ham sb nao trong cac ham sb sau?

4

A. F(x)=3x*+3x+C. B. F(x)=%+3x2+2x+c.
4 2 4 2
C. F(x):x—+3i+2x+C. D. F(x):X—+X—+2x+C.
4 2 4 2
Loi giai
Chon C

x*  3x?
Ta co: F(x):_[ f (x)dx:j(x3+3x+2)dx=Z+7+ZX+C.

Cau 8. Ho nguyén ham ctia ham s f (x) =e*(3+e7) la

A. F(x)=3ex—ix+C. B. F(x)=3e*-x+C.
e
C. F(x)=3e*+e*Ine*+C. D. F(x)=3¢"+x+C.
Loi giai
Chon D

Iex(3+e‘x)dx = j(sex +1)dx =3¢ +x+C.

Cau9. Ho nguyén ham ciahamsd f(x)=e*+cosx la

A. e —sinx+C. B. L " 4sinx+C.
x+1
C. xe** —sinx+C. D. e +sinx+C.
Loi giai
Chon D

Ta co: I(ex+cosx)dx:ex+sin x+C.

Cau 10. Nguyén ham cia hamsd f x =x+3* I&;

x* 3 3
A.F X =—+ +C. B.F x =1+ +C.
— 2 In3 In3
x? NG
C. F x :?+3X+C. D. F x :?+3X.In3+c.
Loi giai
Chon A
x? 3
Tacod: | f xdx= | x+3dx=—+ +C.
f f 2 In3

Cau 11. Timnguyén ham F(x) ciahamsb f (x)=sinx+cosx thoa man F (%) =2

A. F(x)=cosx—sinx+3. B. F(x)=—cosx+sinx+3.
C. F(x)=—cosx+sinx—1. D. F(x)=—cosx+sinx+1.
Loi giai
>

Fb: ThayTrongDGI Tai liéu bén soan v swu tim Chiic cac em hoc tot !
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Cau 12.

Cau 13.

Céu 14.

Céau 15.

Chon D
Co J'cosudu =sinu+C; jsin udu =—-cosu+C

nén j '[ sin x+cos x)dx = —cosx+sinx+C

F(%j:—cos%+sin%+czl+c. Ma F(%)=2:>C=1.Dodé F(x)=-cosx+sinx+1.

Tim nguyén ham jszdx
sin® xcos® x
A. F(x)=—cosx—sinx+C. B. F(x)=cosx+sinx+C
C. F(x)=cotx—tanx+C. D. F(x)=—cotx—tanx+C.
Loi giai
Chon D
2X Zx—sin®x 1 1
Ta co: ILd =I%dx=[( —— ]dx=—cotx—tanx+C
sin® xcos” x sin® xcos® x sin®x  cos® x
Cho F(x) la mot nguyén ham ciia ham s f (X) = 4e* +2x théa man F(0)=1. Tim F(x).

F(x)=4e™+x? B. F(x)=2e"+x*-1,
F(x)=2e"+x"+1. D. F(x)=2e*-x"-1.
Loi giai
Chon B

Taco: F(x)= I(4e2X + 2x)dx =2 +x*+C.
F(0)=2e*°+0°+C=2+C.Ma F(0)=1=2+C=1<C=-1.
Do d6: F(x)=2e*+x* -1.
Cho ham sé y = F(x)1a mot nguyén ham ctia ham s6 y = x*. Biéu thic F'(25) bang:
A. 125. B. 625. C.5. D. 25.
Loi gii
Chon B
Ta c6: F (x) dugc goi la nguyén ham cua f (X) trén Knéu F'(x) = f(x), ¥x e K
Ma y = F(x)1a mot nguyén ham cta ham sé y = x*nén F'(x) = x?
Vay F'(25) = 25% = 625.

Biét F (x) 12 mdt nguyén ham ctia ham 5O f(x)= ZX 1 va F(0)=1.Tinh F(1).
X"+
A. F(1)=In2+1. B. F(l):%|n2+1. C. F(1)=0. D. F(1)=In2+2.

Loi giai
Chon B

If(x)dx=J'X2XJrl ——I% %In(x2+1)+c

Vi F(x)la mot nguyén ham ctia ham s6 f () nén F(x):%ln(xz +1)+c

8
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Cau 16.

Céau 17.

Céau 18.

F(O)=1<:>%In1+c=1<:>c=1.
1
Do dé F(x)==In(x*+1)+1.
0d6 F(x) 2n(x +)+
Vay F(1)=1|n(12+1)+1=1|n2+1.
' 2 2

Biét F(x) la mot nguyén ham cta ham s f (X)=2x+2" thoa man F(0)=0.Taco F(X)

bang
A. 2+l 1 B x+122 C.1+(2"-1)ln2.  D. x*+2*-1.
In2 In2
Loi giai
Chon A
Tacé:j(2x+2X)dx:x2+ 2 ,C.Dodo.
In2
s ,  2° 1

Theo gia thiét F(0)=0<0"+—+C=0C=——.

In2 In2
Vay F(x)=x*+ 2 1 .21

In2 In2 In2

Cho ham sé f(x) c6 f'(x)= 2X1 1 vGi moi X;t% va f(1)=2. Khi d6 gia tri ctia f(2)

bang
A F(Z):%InB—Z. B. F(2)=In3+2. C. F(2)=2In3-2. D. F(Z):%In3+2.

Loi giai
Chon D
1
2x-1

; . 1cd(2x-1) 1
aco: [ f'(x)dx=f(x)+C nén f(x)=] dx 2~[ > =, nfx-1+C
Miit khéc theo dé ra ta co: f(1)=2 <:>%In|2.1—]4+C=2<:>C=2 nén f(X):%|n|2X—]4+2

Do vay f(2)=%|n|2.2—]4+2=%|n3+2.

Nguyén ham F (x) cua ham so f (x)=2x+

H

thoa man F (%j =-11a

sin® x
72'2 7Z'2 7Z'2
A. —cotx+x*——. B.cotx—x*+—.  C. —cotx+x*—1. D. cotx+x* ——.
16 16 16
Loi giai
Chon A
1
Taco F(x)=J'(2x+ — ]dx=x2—cotx+c
sin® x

2

2
F|Zl=-1a| 2| —cotZ+C=-1C=-Z
4 4 4 16

9
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2
Vay F(X) = —cot X+ X2 —
ay F(x) 16

Cau 19. Timnguyénham F x cuahamsd f x =sin 7—2x théa min F[%le.

—cos(r—2x) 1 cos(r—2x) 1
A FX)=———+—. B. F(X)=——+—.
& 2 2 B F() 2 2
C F(X):COS(ﬂ—ZX) i1 D. F(X):COS(”_ZX)_E_
2 2
Loi giai
Chen B
. CoS 77 —2X
+ F x :fsm E—ZXdX:#—FC

+ F[Z]:1<:>1+C:1<=>C:l
2 2 2

cos(7z — 2x) . 1

Vay F(x)= 5 >

Cau20. Tim F(x) 1a mot nguyén ham cia ham s f (x)=e* -1 trén (—oo;+o0), biét F(0)=2.

A. F(x)=Inx—x-1. B. F(x)=e*-x-1. C. F(x)=ix—x+1. D. F(x)=e"—x+1.
e

Loi giai
Chen D

Ta co: F(x):jf(x)dx=j(ex—1)dx:ex—x+c.
Theo bai: F(0)=2e"~0+C=2c1+C=2C=1,
Vay F(x)=e*—x+1,

¥ Dang 2. Ddi bién

v'. Tinh vi phan hai vé: dt = ¢'(x)dx.
v Biéu thi: f(x)dx=g[e(x)]e'(x)dx=g(t)dt.
v'. Khi dé: | :j f(x)dx:J.g(t)dt =G(t)+C

® Casio: Cho j f(x)dx =F (x)+C . Tim f(x) hodc F(X)

v'. Nhén shift di(lr(X))L_X - f(X)
» -

v". Nhan phim Calc nhap X =25
v'. Néu két quéa bang 0 (gan bang 0 ) thi d6 1a dap 4n can chon

\_

ﬁ-}’hu’o’ngphdp:
o_ v'.Chon t=¢(x).Trong d6 ¢(x) la ham s ma ta chon thich hop.

~

/

10
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@ Bai tip minh hoa:

Caul. Tim nguyén ham cta ham s f(x)= _nx_
1+3cos x
A j f(x)dx=%|n|1+3cosx|+c. B. [ f(x)dx=1In[1+3cosx[+C.
C. [ f(x)dx=3In[L+3cos x|+C. D. j f(x)dx:%lln|1+3cosx|+C .
Loi giai PP nhanh tric nghiém
Chon D w Dlng may tinh cim tay

e Pit t =1+ 3cosx = dt = —3sin xdx

jf(x)dx:-lj}dt=—1|n|t|+c=_—1|n|1+3cosx|+c
3t 3 3

1
Cau 2. Tinh nguyén ham | = | ———=adXx.
o J.x\/In X+1
A I=§1/(Inx+1)3+C. B. I =+/Inx+1+C.
C. I=%1/(Inx+1)2+C. D. I =2JInx+1+C .
Loi giai PP nhanh tric nghiém
Chon D . Dung may tinh cim tay

epitt=J/Inx+l=>t’=Inx+1= 2tdt = L dix
X

1
| = | —=dx=2|dt=2t+C=2/Inx+1+C
J.x\/ln X+1 J
Cau3. Tim ho nguyén ham cia ham s6 f (x)=x3/x*+17?
3 : 8 :
A. F(x):—g(x2+1)3+C. B. F(x):g(x2+1)3+C.
3 : 3 :
C. F(x):g(x2+1)4+C. D. F(x)=§(x2+l)3+C.
Loi giai PP nhanh tric nghi¢m
Chon D w Dung may tinh cim tay.

e Pit t =3x% +1 =13 = x? + 1= 3t2dt = 2xdx

4
jx.i’/xz +1dx = g_[ﬁdt = gt“ +C =g(x2 +1)3+C

11
Fb: ThayTrongDGI Tai liéu bén soan v swu tim Chiic cac em hoc tot !



<~ On thi QG Lop KHXH Tai liéu tw hoc danh cho HS Lop KHXH . Naw 2020

@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhén biét: (10 cau)

Caul. Tim j '”—de c6 két qua 1a.
X
x? x? 1,
A. In|inx|+C. B. In?+C. C. ?(Inx—l)+C. D. Eln x+C.
Cau2.  Nguyénham [——dx bing.
1+4/X
A. 2Jx=2In|+/x +1]+C. B. 2J/x+C.
C. 2In|</x +1|+C. D. 2/x—2In|JX+1|+C.
Cau3. Choham s F(x)zjx\/x2+2dx.Biét F(ﬁ):%,tinh F(ﬁ)
A T. B. 11. C.g. D.ﬂ.
6 3
A A \ A A \ 5 \ A 2X \ 3 ., . 1 N
Cau4. Biét F(x) 1a mot nguyén ham ctia ham s6 f (x)=e* va F(O)ZE. Giatri F > la:
A. Ee+2. B. 2e+1. C. 1e+1. D. le+l.
2 2 2 2
A . Ay 1
Cau 5. Tinh nguyén ham dx .
9y j(2x+3]
A. 2In[2x+3]+C. B. %In|2x+3|+C. C. In|2x+3|+C. D. %In(2x+3)+c.
Cau6. Xet | =IX3 (4X4 —3)5dx. Bing cach dat u = 4x* —3, khang dinh nao sau day ding?
Al =1ju5du. B. | :Iusdu. C. | :ijusdu. D. | =i_fu5du.
4 12 16
Cau7. Honguyénham ciiahamsd f(x)=x’v4+x> la:
A é (4+x3)3 +C. B.2J4+x*+C. C. %J(4+x3)3 +C. D. 2,/(4+x3)3 +C.
-2)°
Cau 8. Nguyén ham J‘%dx bang:
(x+1)
11 11
A. i(x;Zj +C. B. i(gj iC
33\ x+1 11\ x+1
11 11
C. E(X;ZJ +C. D. _i(x;Zj +C.
3Ux+1 11\ x+1
Cau 9. Nguyén ham caaham sé f(z) = sin® z.cos z 1:
A. lcos?’ijC’ B. lsim‘q'av—l—C
4 4
12
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1 1
C.Zsin“x—l—C D.Zsin4x+cosm+0

Cau 10. Nguyén ham F(x) ciia hamsb f (x)=sin’2x.cos® 2x théa F [%) =0 la:

A. F(x):lsin32x+isin52x—i. B. F(x)=lsin32x—isin52x+i.
6 10 15 6 10 15

C. F(x):lsin32x+isin52x—i. D. F(x)=lsin32x—isin52x—i.
15 6 10 15

2. Théng hiéu: (10 ciu)
(x+1)

Caull. Néu F(x)z_[4dx thi.
X% +2x+3
[x+1 1 (s
A. F(x)=In——+C. B. F(x)==In(x“+2x+3)+C.
() VX3 +2x+3 () 2 ( )

C. F(X)=vx*+2x+3+C. D. F(x):%\/x2+2x+3+c.

Cau12. Cho F X languyén ham cuahamsd f x :In—X.Tinh F(e)-F(1).
X

A. |:1_ B. 1 =1. C. |:1, D. |l =e
2 e
, . 2
Cau 13. Ham s0 nao sau day 1a mot nguyén ham cua ham sé f (X)= ?
u dy 1a mt nguy 0 (x) Nere
A. F(x)=+x+1. B. F(x)=4vx+1. C.F(x)=2Jx+1. D. F(x)z\/l_l.
X+
2X
Cau 14. Nguyén ham cita ham sé y = f(x):ef o
+
A I=x+In[x|+C. B. I=eX+In(eX+1)+C.
C. I=x-In|x/+C. D. | =ex+1—ln(ex+1)+C.

Cau 15. Mot nguyén ham ctia ham sd y = xy/1+x* a:
2

A g(m)ﬁ. B, g(mf. c. X?(m)z. D. X_;(m)i

Cau 16. Tim nguyén ham | = [ dx_
1+e
A. I=—x—|n‘1+eX+C. B. I:x+ln‘1+eX+C.
C. I:x—ln‘l—eX+C. D. I:x—ln‘1+eX+C.

Cau17. Cho [2x(3x—2) dx=A(3x-2)’ +B(3x—2)'+C véi A, BeQ va CeR. Gid trj ciia biéu

thirc 12A+7B bang;

= B. 24 c. 2 p. .
252 252 9 9
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3sin x—2c0s X

Cau 18. Tim ho nguyén ham ctia ham sb: f(x):j—_dx.
3cosx+25|nx
AJ. x)dx =In|3sinx—2cosx|+C. B. I :—In 3cosx+25inx)|+C.
C.[ x)dx = In|[3cos x+2sin x|+ C . D.j (x x:—ln|—3cosx+23inx|+C.

Cau 19. Khi tinh nguyén ham J%dx, bang cach dit u=+/x+1 ta dugc nguyén ham nao?
X+

A. JZ(UZ —4)du. B. I(uz —3)du. C. j2u(u2 —4)du. D. I(uz —4)du.
Cau 20. Két qua cia phép tinh J‘ex—Zdﬁ_ bang:
A.lln el +C. B. In e-1 +C.
3 X +2 eX+2
C. In(eX—Ze‘X+1)+C. D. 1 e:—l C.
3 e+2
Bang dap an

1.D 2.D 3.A 4.B 5.C 6.D 7.A 8.A 9.D 10.C
11.C 12A | 13B 14.D 15.B 16.D 17.D 18.B 19A | 20.A

Huwéng din giai

A . In x .
Caul. Tim [=—=dx co két quala.
X

X2 x? 1,
A. In|inx|+C. B. In?+C. C. ?(Inx—1)+C. D. Eln x+C.
Loi giai
Chon D
2
Taco'[lnxdx:jlnxdlnx:ln Xic.
Cau 2. Nguyén ham Iidx bang.
1++/X
A. 2Jx=2In|/x +1|+C. B. 2J/x+C.
C. 2In|</x+1|+C. D. 2J/x=2In|v/x+1|+C.
Loi giai
Chon D
Pit VX =t = x =t? = dx = 2tdt .
—dt_j(z—ijdtzzt—2|n|1+t|+c:2&—2|n|&+1|+c.
1+t 1+t

Cau3. Choham sd F IX\/X +2dx . Biét F( )=§,tl'nh F(ﬁ)

A 7. B. 11. c.z p. 20

6 3
Loi giai
Chon A

14
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Ta co: F(x):jx\/x2+2dx=%j\/x2+2d(x2+2)=%(\/x2+2)3+c
Ma F(ﬁ):%@%+€=§<:>€z—2
Vay F(ﬁ)=9—2=7.

Cau4. Biét F(x) 1a mot nguyén ham ctia ham sé f (x)=e* va F (0)= g .Giatri F @j la

A. Ee+2. B. 2e+1. C. 1e+1. D. le+l.
2 2 2 2
Loi giai
Chon B

Ta co: F(x):_[ f (x)dx:_[ezxdx:%e2X +C.

Theo gia thiét: F(O):%:C =1. Vay F(%j: 2e+1.

Cau 5. Tinh nguyén ham J[Z ! ?de.
X+

A. 2In|2x+3/+C. B. %In|2x+3|+C. C. In|2x+3|+C. D. %In(2x+3)+C.

Loi giai
Chon B

Ta co: j( L jdx:lj( L jd(2x+3)=lln|2x+3|+c.
2x+3 29\ 2x+3 2

Caub. Xét | = j X3 (4x“ —3)5dx . Bang cach dat u = 4x* —3, khang dinh nao sau ddy ding.

A Izlj'u5du. B. | =Iu5du. C. =L udu. D. I:iJ‘u5du.
4 12 16

Loi giai

Chon C

Tacé u=4x*—3=du=16x°dx = x3dx:%; Suy ra: | =J'x3(4x4 —3)5dx=ij.u5du .
16 16

Cau7. Honguyénham ciiahamsd f(x)=x’v4+x> la:
A é/(4+x3)3+c. B. 2v4+x* +C. C.% (4+x3)3+C. D. 2 (4+x3)3+C.

Loi giai
Chon A

Tacod IXZ\/4+X3dX =%I\/4+ X*d(4+ x3) :%I(4+ x3);d(4+ x3) -

:g (4+x3)3 +C.

3

(4+x3)5+C

Wl
winN

(x— 2)10
(x+1)"

Cau8. Nguyénham [ dX bing.

15
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Céau 9.

Céu 10.

Cau 11.

11
A. i(_X—ZJ +C
— 33\ x+1

11
C. E(X;ZJ +C.
3Ux+1

11
B. i[ﬂj +C.
11\ x+1

11
D. _i(_x—Z) +C
11\ x+1

Loi gii
Chon A
10 10
Bién di |=j% X :j(x_zj —x
(x+1) Xx+1/) (x+1)
Déttzx;z:dt=%dx.
X+1 (x+1)

Do d6 | =1jt1°dt =
3

11
L :i(x—_zj +C
33

33\ x+1

Nguyén ham cta ham s6 f(z) = sin® z.cos z I&:

A. lcosSx—l—C’
4
L 4

C. Zsm z+C

Chon C

B. isin:jm—l—C’

1
D. Zsin4x+cosx+0

Loi giai

Str dung casio: dao ham cua dap an tai 3 trir ham duéi dau tich phan tai 3 bang 0 thi chon dap

an.

Nguyén ham F(x) cta ham sé f (x)=sin®2x.cos®2x thoa F (%) =01a

A. F(x):lsin32x+isin52x—i. B. F(x):lsin32x—isin52x+i.
6 10 15 6 10 15
C. F(x):lsin3 2x+isin52x—i. D. F(x)zisin32x—isin52x—i.
6 10 15 6 10 15
Léi gidi
Chon D

bat t =sin 2x = dt = 2.cos 2xdx :%dt =C0s 2xdX .

Ta co:

1 1

F(x)= J'sin2 2x.c0s® 2xdx =%jt2.(1—t2)dt :%I(tz —t“)dt :Et3 ——t°+C

6
T 1 .

4

Vay F(x)= %sin3 2X—

F(—ij@—Slﬁz—isinserC:O &SC=-—.
6 2 10 2 15

10

=lsin3 2x—isin5 2x+C.
10

1

isin52x—i.
10 15

Néu F(x):jﬂdx thi:

VX2 +2x+3

Fb: ThayTrongDGI
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A. F(x):lnﬂ+c. B. F(x)=%|n(x2+2x+3)+c.

VX2 +2x+3
C. F(x)=vx*+2x+3+C. D. F(x)=%\/x2+2x+3+c.

Loi giai
Chon C
Dit t =vx* +2x+3 = t? =x* +2x+3= 2tdt = 2(x+1)dx = (x+1)dx =tdt .

x+1 dx
Do d6 F(x j\/i ﬂ_t C=vx2+2x+3+C,
X°+2X+3

In x

Cau12. Cho F x languyénhamcuahamsd f x =—=.Tinh F e —F 1
X
A,|:1_ B. I =1. C.I:E. D. Il =e.
2 e
Loi giai
Chon A

Datt:Inx:>dt:%
X

2 2
f"‘—xdx—ftdt:t—+czln XiCoFx+C =Fe _F1=1
2 2 2

Cau 13. Ham s nao sau day 1a mot nguyén ham ciia ham s6 f (x) =

A. F(x)=x+1. B. F(x)=4J/x+1. C.F(x)=2Jx+1. D.F(x)=

Loi giai
Chon B
x+l
Ta co: F 4Jx+1+C.

)= “%m

Ho nguyén ham cua ham s da cho 1a J. dx =4+/x+1+C, nén ham s6 da cho c6 mot

2
Jx+1
nguyén ham laham F(x)=4+x+1.

2X

Cau 14. Nguyén ham cua hamsd y = f (x) = S . la:
e* +
A I =x+In[x|+C. B. I=¢"+In(e*+1)+C.
C. I=x-In|x/+C. D. | =e*+1-In(e* +1)+C.
Loi gii
Chon D
e2x ex
| = dx = e*dx .
-[ex+1 J.ex+1
batt=¢"+1=¢e" =t-1=dt =e*dx.
17
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Céau 15.

Céau 16.

Cau 17.

Taco | :J.Edt :J.(l—%jdt =t—Int|+C.
1 t
Tro lai bién cil ta duge | =¥ +1—In(ex +1)+c.

Mot nguyén ham ctia ham s y = xv1+x? 1a:
6 3 2 2 2 3
A %(\/u xz) . B. %(\/1+ x2) . C. X?(\/u x2) . D X?(\/u X ) .
Loi gidi
Chon B
bPit t =vx* +1 =t? = x* +1=tdt = xdx.

)

:jx\/x +1dx = jtzdt— +C= 3 +C.
Tim nguyén ham | = dXX.
1+e
A. | =—x—|n‘1+eX B. | =x+|n‘1+eX

C. | :x—ln‘l—eX

D. | =x—|n|1+eX

Loi giai
Chon D

e*dx
J1+e I 1+e

bat t=¢" :>dt=exdx.

e*dx dt 1 1
! :jex (1+ex) :It(l+t) :I(E_m) =Inft|~Injt+1+C =Inje

+C.

—In

=X-In

Cho [2x(3x-2)"dx=A(3x-2)’+B(3x-2)"+C véi A, BeQ va CeR. G tri ciia bicu
thirc 12A+7B bang:

23 B. 241 c. 22 D. '
252 252 9 - 9
Loi giai
Chon D
bitt=3x-2 = E Edt=dx.
3 3
t+2 2t 4t 8
Taco: = todt = t’+2t%)dt ==.—+—.— +C 3x—2 3x—-2) +C
I QI( ) 98 97 6( ) ( )
Suy ra A=i, B=i, 12.i+7.i=1.
36 63 36 63 9
Cau 18. Tim ho nguyén ham ctia ham sé: f(x):jwdx.
3C0s X+ 2SsIn X
A. _[ x)dx = In|3sinx—2cosx|+C. B. I dx——In 3cosx+2$inx)|+C.
18
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Cau 19.

Cau 20.

C. _[ x)dx = In|3cosx +2sin x|+ C . D. j x)dx =—In|-3cosx+2sin x|+ C .
Loi giai
Chon B
d(3cos x+2sin x) )
Ta co: j x) dx :—I =—In(3cosx+2sinx)+C.
3C0s X +2sin X
. X—3 .
Khi tinh nguyén ham dx, ba ach dat u=+/xX+1 ta dug én ha 207
guy J- ol ang cach da N, a dugc nguyén ham nao
A. jZ(u2—4)du. B. j(u2—3)du. C. Izu(u2—4)du. D. j(u2—4)du.

Loi giai
Chon A

dx =2udu
Pit u=+Xx+1, u>0 nén u2:x+1:{ e
X=u?-

u?-1-3
Khi do —— = 2udu=|2(u*-4)du.
J == [ J2(u*-4)

dx .
Két qua cua phép tinh J‘—fx bang:

287 +1
A.llne_1+C. B. Ine_1+C.
- 3 |e'+2 e*+2
C. In(ex—2e’x+1)+c. D. lIn € _1+C.

3 e+2

19
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M_Dang 3. Ting Phin

®-Phwong phap:
¢_Dinhly. Cho hai hdm s§ u va v lién tuc trén doan [a;b] va c6 dao ham lién tuc

trén doan [a;b].

Khi dé: _[udv = uv—J.vdu. (*)

®_ Ty luin. D€ tinh nguyén ham I f (x)dx bang tirng phén ta lam nhw sau:
Bwdéc 1. Chon u, v sao cho f(x)dx=udv (chuy dv=v'(x)dx).
Sau d6 tinh v=[dv va du=u"dx.
Bwérc 2. Thay vao cong thirc (*) va tinh J-vdu .

Chii y : Can phai lwa chon u va dv hop li sao cho ta dé dang tim dwoc v va tich phan
J-vdu dé tinh hon Iudv. Ta thwong gap cac dang sau:

®Dang 1. | = I P(x) sin x dx, trong d6 P(x) la da thic.
’ COoS X
u="P(x)
Vé&i dang nay, ta dat sin x .
dv = dx
COS X

® Dang 2. | :.[P(x)ea"*bdx, trong d6 P(x) la da thuc.
u=P(x)
dv =e™*dx

® Dang 3. | = [ P(x)In(mx+n)dx, trong d6 P(x) 1 da thirc.

Vé&i dang nay, ta dat {

u=In(mx+n)

V&i dang nay, ta dat
e nay {dv:P(x)dx
@_Casio: Cho [ f(x)dx = F(x)+C . Tim f(x) hodic F(x)

v'. Nhan shift di(f (X)), —F(X)
" _
v. Nhén phim Calc nhdp X =25
v, Néu két qua bang 0 (gan bang 0) thi d6 1a dap 4n can chon.

Nguyén tic chung dé dit u va dv - Tim duoc v dé dang va j v.du tinh dugc.

Nhin manh: Th ty vu tién khi chon dat u: “Nhéat 16, nhi da, tam lwgng, tir mii” (ham

logarit, ham da thure, ham lugng gidc, ham mi).

20
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®_Bai tip minh hoa:

Caul. Ho nguyén ham ctia ham sd f (x)=xcos2x la:

A xsm2x+c032x+C. B xsin2x—C032X+C.
2 4
C. xsin2x+COSZX+C. D. xsm2x_c052x+cl
2 4
Loi giai PP nhanh tric nghiém
- w May tinh cim tay.
[ =_[xc052xdx.
du =dx
u=x
bat = 1 . .
{dV=COSZXdX v:Esm 2X
Khi do
| :lxsinZX—EJ‘sin2xdx=1xsin2x+10052x+c.
2 2 2 4
Cau 2. Ho nguyén ham cia hamsb f(x)=xIn2x la:
2 2
X 1
A. —|In2x-= |+C. B. X In2x-2+C.
2 2 2
X2 X2
C. ?(In2x—1)+C. D. ?anX—X2+C.
Loi giai PP nhanh tric nghiém
- = May tinh cAm tay
du—1
Pt u=In2x X
® D3
“ | dv = xdx NG
V=—
2
x? 1 x?
F(x)=|f(x)dx=—.In2x—|=.—dx
(x)=] f (=2 =2
2 2 2 )
:X—In2x—x—+C=X— In2x—l +C
2 4 2 2
Cau3. Timnguyén ham cia hamsé f(x)=xe™.
A Fzx =%e2’”[z—%]+0. B.Fr =2 2-2+C.
2z 1 ]- 2x
C.Fz =2 :E—§+C’. D.szEe‘ z—2 +C.
Loi giai PP nhanh tric nghiém
- = May tinh cAm tay
Tacé: F(x) :Ix.ezxdx.
Dat
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12x

U=x du =dx
=
dv = e*dx v=C"e

= F(x)=%xe2X —I%ezxdx:%e“(x—%}LC

@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhén biét: (10 cau)
Caul. Nguyénham cta hamsé f(x)=xsinx la:

A. —XcosX+sinX+C. B. xsinx+cosx+C.
C. xcosx+sinx+C. D. xcosx—sinx+C.

Cau?2. Kétquacuna l= jxexdx la:

2
X
A. I:Eex+eX+C. B. I =e*+xe*+C.

2

C. I:X?eX+C. D. | =xe*—-e*+C.

Cau3. Tinh F(x) :Ixsin 2xdx . Chon két qua ding?
A F(x):%(2xc032x+sin2x)+c. B. F(x):—%(2xc052x+sin2x)+c.
C. F(x)=—%(2xcost—sin2x)+C. D. F(x)=%(2xcost—sin2x)+C.

Cau4. Nguyénhamcuahamso f(x)=(x+1)e* la
A. xe*+C. B. (x+2)e*+C. C. (x-1)e*+C. D. 2xe* +C.

Cau5. Hocacnguyén hamcua f(x)=xInx la:

2
A. X—Inx+1x2+C. B. x? Inx—1x2+C.
2 4 2
2
1
c. Linx—=x*+C. D. xlnx+£x+c.
2 4 2

Cau 6.  Timnguyén ham ciia hamsé f (x)=xIn(x+2).

x? X% +4x x> —4 X% +4x
Aj :Eln(x+2) 5 +C. B.jf(x)dx= 2 In(x+2)— 5 +C.

NG X* +4x X% —4x
C. [f(x dx="-In(x+2)-— —+C. D. | f(x +C.

In(x 2)-

Cau7. Chohamsd y= I xsin 2xdx . Chon ménh d& diing trong cac ménh dé sau:

A. y’(zjzﬁ—ﬁ. B. y’(zJ:”—\/g.

12 6 6

cy[F)-7 D. rzjzi.
y(Gj 12 y(es 24
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Cau8.  Goi F(x) lamotnguyén ham ciiahamsé f (x)=xe™. Tinh F(x) biét F(0)=1.
A. F(x)=(x+1)e™+2. B. F(x)=—(x+1)e™ +1.
C. F(x)=—(x+1)e™*+2. D. F(x)=(x+1)e™+1.

Cau9.  Tim ho nguyén ham F(x) ctahamsd f(x)=xe.

1 2x

A. F(x)=2e*(x-2)+C. B. F(x)=Ze*(x-2)+C.
C. F(X)=2€2X(X—lj+c. D. F(x)_lezx(x—l}tc.
2 2 2
Cau 10. Cho F(x) la mot nguyén ham ciia ham s6 f (x)=(5x+1)e* va F(0)=3. Tinh F(1).
A F(l)=e+2. B. F(1)=1le-3.  C. F(1)=e+3. D. F(1)=e+7.
I2. Théng hiéu: (10 ciu)
Cau 11. Két qua cua j In xdx 12:
A. xInx+x+C. B. xInx+C. C. xInx—x+C. D. xInx—x.
Cau 12. Tim nguyén ham ctia ham s6 f(X)=\/;|nX.
1 3
A. :— 2 3| 2)+C. B. —X2 3| 2)+C.
_[ x nx—2)+ I 9x nx—2)+
2 3
C. 3| 2)+C. D. —X2 3| 1)+C.
_[ nx—2)+ I 9x nx—1)+

Cau 13. Biét jxcostdx: axsin2x+bcos2x+C voi a, b 1a cac s6 hitu ti. Tinh tich ab?

A, abz—%. B.ab="_. C.ab=1. D.ab=_°1.

8 4 8
Cau 14. Biét jxezxdx =axe”™ +be” +C (a, be Q). Tinhtich ab.

A ab=1. B. ab——1. C.ab=1. D. ab=-1.
4 8 8 4
. F X .
Cau 15. Biet | =I(3x—1)e2dx=a+be véi a,b la cac so nguyén. Tinh S=a+h.
0
A. S=8. B. S=10. C.S=12. D. S=16.

Cau 16. Taco J'xz.exdx:(x2+mx+n)ex+c khi ¢6 m.n bang.
A. 0. B. 4. C. 5. D. 4.

Cau 17. Nguyén ham ctia ham 2018 f (x)=x.e* la:

A F(x)=5ezx(x—2)+c. B. F(x):%ezx(x—%j+c.

C. F(x)=2e2x(x—%j+c. D. F(x)=2e*(x-2)+C.

23
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Céau 18.

Cau 19.

Céau 20.

Cho F(x)=(ax’+bx—c)e® la mot nguyén ham cta ham sé f(x)=(2018x* —3x+1)e™

trén khodng (—o0;+o0). Tinh T =a+2b+4c.

A. T =1011. B. T=-3035. C. T =1007. D. T =-5053.

Biét I(x+3).e‘2xdx:—1e‘zx(2x+n)+C, v6i m,ne Q. Khi d6 tbng S =m* +n? co gia tri
m

bang

A. 5. B. 65. C. 41. D. 10.

Tim nguyén ham jsin\/;dx.

A. Isin\/;dx:—Zcos\/;+2sin\/;+C. B. J.sin\/;dx:—cos x+C.
C. Isin\/;dx:cos\/;+C. D. J‘sin\/;dxzchos\/;jLC.
X

Bang dap an

1A 2.D 3.C 4.A 5.C 6.D 7.C 8.C 9.D 10.D

11.C 12.B 13.B 14.B 15.C 16.B 17.B 18.B 19.B 20.A

Huwéng din giai

Caul.  Nguyénham ciiahamsd f(X)=xsinx la
A. —XcosX+sinx+C. B. xsinx+cosx+C.
C. xcosx+sinx+C. D. xcosx—sinx+C.
Loi giai
Chon A
Ta c0: jxsinxdx.
u=x du =dx
Pat _ = .
dv = sin xdx V =—CO0S X
Vay J'xsin xdx :—xcosx+_[cosxdx =—XCosX+sinx+C.
Cau?2. Kétquacua | =Ixexdx la
X2
A. I=?ex+ex+c. B. I =e¢"+xe*+C.
X2
C. I=?eX+C. D. I =xe*-e"+C.
Loi giai
Chon D
Céch 1: Str dung tich phan ting phan ta c6
I :J.xexdx:J'xdeX :xex—fexdx: xe* —e* +C.
Céch 2: Taco |'=(xe* —e” +C)’ =e* 4+ xe* —e* = xe*.
Cau3. Tinh F(x) :Ixsin 2xdx . Chon két qua diing?
A F(x):%(2xc032x+sin2x)+c. B. F(x):—%(2xc052x+sin2x)+c.
24
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Céau 4.

Caub.

Cau 6.

Cau7.

C. F(x)=—%(2xc032x—sin2x)+c. D. F(x)=%(2xcost—sin2x)+C.
Loi giai
Chon C
 (u=x du =dx
bt {dv:sin 2xdx V:—%COSZX,ta duge

F(x)= —%x0052x+%jcos 2xdx = —%xc052x+%sin 2x+C :—%(ZXCOSZX—Sin 2x)+C.

Nguyén ham cta ham s6 f (x)=(x+1)e* la
A. xe*+C. B. (x+2)e*+C. C. (x-1)e*+C. D. 2xe* +C.
Loi gidi
Chon A
Xét j f (x)dx:j(x+1)exdx:J‘(x+1)deX :(x+1)ex—Jexdx:(x+1)ex—ex+c =xe*+C.

Ho cac nguyén ham cua f (x)=xInx la:
2 2

A. X—Inx+1X2+C. B. x° Inx—1x2+C. C. X—Inx—1X2+C. D. xlnx+lx+C.
2 4 2 4 2

Loi giai:
Chon C
v=ly
xdx = dv "9 2
Dt = 2 .Suy ra J.xlnxdx:lxzInx—.[lxdx:x—lnx—lxz+C.
Inx=u du:l 2 2 2 4
X

Tim nguyén ham ctia ham s6 f (x)=xIn(x+2).

2

X X% +4x
A. J.f(x)dx:?In(x+2)—

+C. B.jf(x)dx: 2_ In(x+2)—

2

2 2 2
C. If(x)dx:x?ln(x+2)—x Z4X+C- D. [ f(x)dx= - 2—4|n(x+2)_x ;4X+C'

Loi giai
Chon D
u=In[Q(x)]

dé tinh theo phuong phap
dv = P(x)dx

Déi v6i nguyén ham dang I P(x)In [Q (X)] dx ta dat {
nguyén ham ting phan.
Cho ham s y = J xsin 2xdx . Chon ménh d& diing trong cac ménh dé sau:

A y'[z}_”ﬁ B, y'[z}_”ﬁ c. y(zji. D, yr(zjzl.
6 12 6 6 3] 12 6 24

Loi giai
Chon C

25
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y:Ixsin 2Xdx = y' = xsin 2x ;y’[%j:%sin(z%j:%.
Cau8. Goi F(x) lamot nguyén ham ciia hamso f (x)=xe™. Tinh F(x) biét F(0)=1.
A. F(x)=(x+1)e™+2. B. F(x)=—(x+1)e™ +1.
C. F(x)=—(x+1)e™+2. D. F(x)=(x+1)e™+1.
Loi giai
Chon C
u=x du =dx
bat = .
{dv=exdx {v:—eX
Do do _[xe’xdx =—xe* +_[e’xdx =—xe*-e*+C=F(x C).
F(0)=1<-e°+C=1<C=2.Viy F(x)=—(x+1)e+2.
Cau9.  Tim ho nguyén ham F(x) cuahamsé f(x)=xe™.
A. F(x)=2e"(x-2)+C. B. F(x):%ezx(x—2)+c.
C. F(x):ZeZX(x—lj+C. D. F(x):ie“(x—ij+c.
2 2 2
Loi giai
Chon D
U= X du =dx
bat =
v =e*dx v=_e*
F(x)=jf(x)dx :—xezx——_[e“dx—%xe“——.%ezuc —lezx(x—lj+c
Cau 10. Cho F(x)la mot nguyén ham cta ham s f (x)=(5x+1)e* va F(0)=3. TinhF(1).
A F(l)=e+2. B. F(1)=11e-3.  C. F(1)=e+3. D. F(1)=e+7.

Loi giai
Chon D
Taco F(x)= I(Sx +1)edx.
{u =5x+1 {du =5dx

Pbat = )
dv =e*dx v=ge

F(x)=(5x+1)e" —_|'5exdx =(5x+1)e* —5e*+C =(5x—4)e* +C.
Mitkhéc F(0)=3<4+C=3<C=7.
= F(x)=(5x—-4)e" +7.
Vay F(1)=e+7.
Cau 11. Két qua cua j In xdx la

A. xInx+x+C . B. xInx+C. C. xInx—x+C. D. xInx—x.
Loi giai

26
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Céau 12.

Céau 13.

Chon C

u=Inx du==d
bat = N X X :>.[Inxdx=xlnx—jl.xdx:xlnx—x+c.
dv=dx X

Tim nguyén ham ctia ham sd f(X)=\/;|nX.
3 3
Aj :—x2(3lnx 2)+C. g.jf(x)dx éxz(Blnx 2)+C.
2 3
C_[ (3Inx 2)+C. D.If(x)dx §x2(3lnx 1)+C.
Loi giai
Chon B

:If(x)dx:jﬁlnx.dx.

Pit: t:ﬁ:dt:idx:ﬂtdt:dx = =2_[t2 Int?.dt =4jt2 Int.dt .

24/x

1
) u=Int dU:Edt
Dit: , = s
dv =t°dt v t

=1=2 lte’lnt—ljtzdtj:Z Teme-teac :3t3(3|nt—1)+c
3 3 3 9 9

2 3 132
_ 2 _ —y2 _
_§x (3In\/x 1)+C _gx (3Inx 2)+C.

Biét j X C0s 2xdX = axsin 2x +bcos2x+C véi a, b 1 cac s6 hitu ti. Tinh tich ab?
A ab=-1. B. ab==. C.ab=1. D. ab=—1.
4 8 4 8
Loi gidi
Chon B
du =dx
pati. * -]
* |dv =cos2xdx v=zsin 2X

Khi d6 jxcostdx=1xsin ZX—EJ‘sin 2xdx :lxsin 2x+£0052x+C
2 2 2 4

:>a=1, bzl.
2 4
1
Vay ab==
ay 8

Cau 14. Biét Ixezxdx =axe” +be” +C (a, be Q). Tinhtich ab.

A ab=1. B. ab=—=. C.ab=1. D. ab=—1.
2 8 8 2
Loi gidi
Chon B

Fb: Th
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Céau 15.

Céau 16.

du =dx

Suy ra: Ixezxdx = % xe?* —%Iezxdx = % xe* —%ezx +C

Vay: a=1; bz—l:ab:—l.
2 4 8

2

Biét | :j(3x—1)e5dx:a+be véi a,b 1a cac sb nguyén. Tinh S =a+b.
0
A. S=8. B. S=10. C. S=12. D. S=16.
Loi gii
Chon C
2 X
I =I(3x—1)e5dx.
0
u=3x-1 du = 3dx
Pit . = .
dv =e2dx v =2e?
2 2
Taco: | 22(3X 1 e2 I6e2dx 10e+2— 1282 =10e+2-12e+12=14—-2e.
0 0

Vay a+b=12.

Taco _[xz.exdx:(x2+mx+n)ex+c khi d6 m.n bing.

A. 0. B. -4. C.5. D. 4.
Loi gidi
Chon B
u=x2 du = 2xdx
Pit - .
dv =e*dx v=ge

= sz.exdx = x%e* —j2xexdx .
u=2x du = 2dx
Pt =N .
dv =e*dx v=e"
= Ierde =2xe* —_[Zexdx =2xe*-2e*+C.
= J'xz.exdx:(x2 —2x+2)eX +C.

Khi d6 mn=—4.
Cau 17. Nguyén ham ctia ham 2018 f (x)=x.e* la:
A F(x)—iezx( -2)+C. F(X)—; 2"(X—%)+C.
C. F(x):ZeZX(x—%j+C. D. F(x)=2e*(x-2)+C.
Loi gidi
Chon B
28
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Céau 18.

Céau 19.

U=X du = dx
bat = 1,

Khi dé: F(x):.fx.ezxdx:lx.ezx—ljezxdx:lx.e“—lezx+C:le“[x—1 +C.
2 2 2 4 2 2

Cho F(x)=(ax’+bx—c)e® la mot nguyén ham cta ham sé f(x)=(2018x* -3x+1)e™
trén khoang (—oo;+00). Tinh T=a+2b+4c.

A. T=1011. B. T=-3035. C. T =1007. D. T =-5053.
Loi giai
Chon B
Vi F(x)= (ax2 +bx — C)e2X 1a mot nguyén ham ciia ham s f (x) = (2018X2 —3x +1)e:2X trén

khodng (—o0;+00) nén ta co: (F (X))I = f (), voimoi X € (—o0;+0).

& (2ax® +x(2b+2a)— 2c +b)e™ =(2018x* —3x+1)e’, véi moi X & (—o0;+w0).

2a=2018 a=1009
oldh+2a=-3 b=—%.
—2c+b=1 __2023

4

Vay T =a+2b+4c =1009+2.(—%)+4.(—¥j =-3035.

Biét I(x+3).e‘2xdx:—le‘zx(2x+n)+c, v6i m,ne Q. Khi d6 tébng S =m*+n® co gia tri
m
bang:
A. 5. B. 65. C. 41. D. 10.
Loi giai

Chon B
it u=x+3 du = dx

i =

ldv=edx v:—%e‘2X

s 37 —2X __E —2X 1 —2X __E —2X _1 —2X
Khi d6 j(x+3).e dx = 2e (x+3)+zje dx = 2.e (x+3) 4e +C

:_%e‘zx_(2x+6+1)+c =—%e‘2x(2x+7)+C —=m=4n=7

—=m?+n°=65.

Céau 20. Tim nguyén ham jsin Jxadx.
A. Isinﬁdx:—2cosﬁ+25inﬁ+c. B. Jsinﬁdx:—cos x+C.
C. _[sin«/;dx:cos\/;+c. D. J’sin\/;dx:icos Xx+C.
2Vx
Loi giai
29
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bat t=+/x,taco jsinﬁdx:JZtsintdt

_ ju=2t | du = 2dt
bat . taco .
dv =sintdt vV = —costdt

_[Ztsintdt :—2tcost+j2003tdt =-2tcost+2sint+C :—2\/§cos«/§+25in \/§+C )

BAI 2: TICH PHAN DOI BIEN SO

¥ _Dang 1. Poi bién s6 dang 1

6 -Phwong phadp: \

¢ Pinh 1i.Cho ham s f lién tuc trén doan [a;b]. Gia sir ham s6 u=u(x) c6 dao ham lién tyc
trén doan [a;b] va a <u(x)< . Gia sir c6 thé viét f(x)=gux)u'(x),xe[a;b],
véi g lién tuc trén doan [«; B]. Khi d6, ta co

u(b)

f(x)dx = j gu()u (x)dx = j g(u)du.

u(a)

D —y T

b
¢ Phuong phap. Dé tinh tich phan: | = _[ g(x)dx ta thyc hién cac budc:

v'. Buéc 1. Bién d6i dé chon phép dat t=u(x) = dt =u'(x)dx
v, Budc 2. Thyc hién phép doi can:
= V6i x=a thit=u(a).
» Véi x=b thi t=u(b) . (Nh6 : doi bién phai doi con)
u(b)
v'. Buéc 3. Pua vé dang | = I f (t)dt don gian va dé tinh hon.
u(a)

#_DAu hiéu nhén biét va cach tinh tich phan

Déu hiéu Co thé dit
Co f(x) t=«/f(x)
Co (ax+h)" t=ax+b
Céa'® t=f(x)
,dx . o .2 , ,
Co —valnx t =In X hodc biéu thirc chira In X
X
Co e*dx t =e* hodc biéu thuc chira e
C6 sin xdx t =cos x
C6 cos xdx t = sin xdx
. dx
Co —; t=tanx
COS” X
., dx
Co —; t=cotx
S sin“ x Z

folV)
Fb: ThayTrongDGI Fai liéu bitn sogn va swu tim Chiic cic em hoc tot !



<~ On thi QG L&p KHXH =

Tai liéu tw hoc danh cho HS Lép KHXH

\

New 2020

®_Bai tap minh hoa:

1

Caul. Tinhtich phan I = [x(1+x*)*dx:
0
A. I:E. B. I=§. C. |:i, D. I:—i.
5 10 10 10
Loi giai PP nhanh tric nghiém
Chon B e Dé tinh gia tri 1 tich phan xac dinh bang may tinh

® Pat t =1+ x* = dt = 2xdx..
® Doican: x=0=1t=1;
x=1l=>t=2
2 .4 5
e Nén I:It—dt=t—
)27 10

2_31
1 10

570ES.
v'. Budc 1. Sir dung 1énh dé man hinh may tinh cim
tay hién:

Igﬂdx

G Math

v'. Buéc 2. Nhap ham s6 f(x)
v'. Bu6c 3. Nhap can
v'. Bu6c 4. An phim =

2
Cau2. Tinhtichphan I = j 2x~/x2 —1dx bang cach dit u = x* -1, ménh d& nao dudi day dang?
1

3 2 3 2

A1 =2]udu. B. I = [Judu. C. 1= udu. D.I:%I«/Udu.
0 1 0 1
Loi giai PP nhanh tric nghiém

Chon C
® Pit u=x*—1= du=2xdx.
e Pdican x=1=u=0;x=2=u=3

3
e Nén | =Ixﬂdu .
0

+ Tinh tich phan I bang MTCT.
+ Tinh tich phan timg dép an A, B, C, D.
+Pbi chiéu két qua, chon dap an C.

Cau 3. Tinhtich phanl = jcos3 X.sin xdx .
0

14

A l=—=7r. B. | =—7x*.
4

1

(@}
[
e
O

Loi giai
Chon C
® Dat t =cos X = dt = —sin xdx <> —dt =sin xdx
® D6i can: voi x=0=>t=1;

vol X=r=>t=-1.

¢ 1t (<)

-1 1
aol — [#34r — [439r S| _+ _
e Viyl = !tdt_jltdt_4 = Y7 _9

PP nhanh tric nghi¢m
> St dung may tinh, tinh tich phan ham lugng giac
phai chuyén vé don vi radian.

Fb: ThayTrongDGI
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@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhén biét: (10 cau)

Caul. Tinhtichphan | = jol(x2 +X+2)°(2x+1)dx chon cach ddi bién hop li nhét.

A t=(x"+x)’dx. B. t=2x+1.

C.t=(xX*+x)°(2x+1). D.t=x*+Xx+2.
Cau2. Tinhtich phan I = jol\/xs X +1(5x* +3x2)dx chon cach dbi bién hop 1i nhét.

A t=(x"+x%)dx. B. t=5x"+3x°. C.t=vxX>+x*+1. D.t=vx*+x%dx.
Cau 3. Tinhtich phan | = IO de chon céch dbi bién hop 1i nhat.

x4 x3+2
A.t=%. B. t=4x"+3x’. C.t:M. D.t=x*+x*+2.
X"+ X +2 X"+ X" +2
Cau 4. Tinhtich phan | = fl In® xdx chon cach d6i bién hop li nhat.
X
A.tzi. B.t=Inx. C.t=In"x. D.t:d—x.
X X

Cau5. Tinhtich phan | = j:e (2x +1)dx chon cach d6i bién hop li nhat.

A t=x"+3x+1. B. t=2x+1. C.t=x"+X. D. t=e"(2x+1).
Cau 6. Tinhtich phan | = jjs (3x% +1)dx chon cach dbi bién hop 1i nhat.

A t=x3+3x". B. t=3x"+X. C.t=x*+x. D. t=3""(3x% +1).
Cau7. Tinhtich phan | = jofsinﬁxcos xdx chon cach d6i bién hop li nhat.

A. t=sin®x. B. t=sinx. C.t=cosx. D. t =sin® x.cos X.
Cau 8. Tinhtich phan | = If cos®x.sinxdx chon cach d6i bién hop i nhat.

A. t=cos’x. B. t=sinx. C. t=cosX. D. t =cos’x.sin x.
Cau 9. Tinhtichphan I = J.Ztane X. dx chon cach dbi bién hop li nhat.

0 cos’x

A t=tan®x. B.t=tanx. C.t=cosx. D. t =cos®X.

Cau 10. Tinh tich phéan | —J cot®x. dx chon cach ddi bién hop li nhat.
sin® x

A. t=cot’x. B. t=sinx. C. t=cotx. D. t=sin’x.

[XI2. Thong hiéu: (10 cau)
X =2In@ . Knhidé a+b bing:
2 b
A. 6. B. 8. C.9. D. 10.
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Céau 12.

Céau 13.

Céau 14.

Céau 15.

Cau 16.

Céu 17.

Cau 18.

Céau 19.

Cau 20.

1
Cho tich phan 1\3/1— xdx, voi cach dat t=31—x thi tich phan da cho bang véi tich phan nao
0

sau day?
1 1 1 1
A. 3ftdt. B. [tdt. C. 3[t’dt. D. 3[t’dt.
0 0 0 0
1
Cho I = I dx,voi cach dat t=+/x?+1 thi tich phan da cho bang véi tich phan nao sau
1
0
day?
N 12 N 2
A [t B. = [ t’dt. C. [tidt. D. [ dt.
0 2 0 0 1

Tich phan jcosz X.sin xdx bang

A -3 B. 2. c.-2. p. 3.
2 3 3 2
| 1 :
Cho f 1a ham so lién tuc thoa _[f(x)dx=7.Tinh I:Icosx.f (sinx)dx.
0 0
A. 1. B. 9. C. 3. D. 7.
4 2
Cho [ f(x)dx=2018. Tinh tich phan | = [[ f (2x)+ f (4—2x)]dx
0 0
A. 1=0. B. | =2018. C. 1 =4036. D. 1 =1009.
4 2
Cho tich phan | = [  (x)dx=32. Tinh tich phanJ = [ f (2x)dx
0 0
A. J=32. B. J =64. C.J=8. D. J =16.
1 2 s ae—b .
Cho | = [ xe™*dx Biétrang | == Khido,a+b bing
A. 1. B. 0. C.2. D. 4.
Vi cach doi bién u =+/1+3Inx thi tich phan dx tr¢ thanh:
P J.x\/1+ 3Inx
2 22 2 2
A g_[(uz—l)du. J' u? —1 C. 2_[(u2—1)du. D. EIU 1du.
3 1 1 1 9 1 u
e
Tinh tich phan 1 = | ML+3INX 1 bing cach dit t =TT 3N X , ménh d& nao duéi day sai?
X
2 4|2 2% 22, 14
A 1=263", B. 1 ==tdt. C. I ==[t%t. D. I==.
9 | 3 31 9

Bang dap an

| 1D | 2Cc | 3D | 4B | 5C | 6C | 7B | 8C | 9B | 10.C |
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| 11D | 12D | 13A | 14B | 15D | 16.B | 17.A | 18C | 19B | 20.B |
Huwéng din giai( phan TH)

X
x?+3
A. 6. B. 8. C.9. D. 10.

Loi giai
bit t =x? +3= dt = 2xdx.
Poicin x=0=t=3;x=2=t=7

tdt 1, 7

Nén Il =|—==In—
22t 2 3

2
Cau 11 Tichphan [——dx =%In% khi d6 a+b bing
0

1
Cau 12. Cho tich phan I%/l— xdx, v6i cach dat t=31—x thi tich phan da cho bang véi tich phan nao
0
sau day?
1 1 1 1
A. 3jtdt. B. jt3dt. C. 3jt2dt. D. 3jt3dt.
0 0 0 0
Loi gidi

Pit t=31-x =1t*=(1-x) = 3t* =—dx.
Pdican x=0=t=1;x=1=t=0

0 1
Nén | =— j t.3t2dt = j 3t3dt
1 0

1
Céau13. Cho I = J. - dx,véi cach dat t =+/x*+1 thi tich phan da cho bang véi tich phan nio sau
o VX +1
day?
2 1 2 2 2
A [dt. B. = [ t°dt C. [todt D. [dt
0 2 0 0 1
Loi giai

Pat t =vx?+1 =12 = x* +1= tdt = xdx.
Pdican x=0=t=1;x=1=t=+2
VIR
Nen | = [-dt={dt.
lt 1

Cau 14. Tich phan jcos2 X.sin xdx bang
0

A -3 B. 2. c.-2. p. 3
2 =3 3 2
Loi giai
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L New 2020

Céau 15.

bat t =cos x = —tdt =sin x.dx.
Poican: x=0=t=1, x=r=t=-1.

Khi d6: |—jt olt—§

T

1 2
Cho f 14 ham sb lién tuc thoa jf(x)dx=7.Tinh I:Icosx.f (sinx)dx .
0 0

Al B. 9. C. 3. D. 7.
Loi giai
Chon D
bat t =sin x = dt = cos x.dx
Péi can x:0:>t=0;x=%:>t:1
1
Khi dé: 1= f(t)dt=7
0
4 2
Cau 16. Cho j f (x)dx = 2018. Tinh tich phan | = j [f(2x)+ f(4-2x)]dx
0 0
A. 1=0. B. | =2018. C. | =4036. D. | =1009.
Loi giai
Chon B
Ta cé ff(z )d zx_tljf()d
aCco X)axX = — t)adt.
0 20
2 4-2x=t 18 14
'(|;f(4—2x)dx = 7! f(t)dt:E'([f(t)dt
2 4 4
Suyra | = [[f(2x)+ f(4—2x)]dx = [ f(t)dt =[ f (x)dx =2018.
0 0 0
4 2
Cau 17. Chotich phan | = [ f (x)dx=32. Tinh tich phan J = [ f (2x)dx.
0 0
A. J=32. B. J =64. C.J=8. D. J =16
Loi giai
Chon D
dt
Batt-Zx:>dt—2dx:>E=dx
Pdicin: x=0=t=0;x=2=t=4.
t1 17 1
J= j x)dx=[ = f (t dt——jf(t)dt=—l=16.
0 O2 O 2
e s ae—b
Cau 18. Cho I =[xe"*dx. Biétring | = .
0
Al B. 0. C.2. D. 4
Loi giai
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bit t =1—-x* = dt = —-2xdx.
Pdican: x=0=t=Lx=1=t=0.

:——jedt— J'e dt—ez1

CAu 19. Vi cach ddi bién u =+/1+3Inx thi tich phan dx tré thanh:
P Ix\/1+3 In x
2% 27 2fu-1
A. =|(u®*=1)du. B. =|(u?-1)du. C. 2{(u*-1)du. D. = du.
3{( ) B 9{( ) {( ) 9{ -
Loi giai
Chen B
Pbit u=/1+3Inx=>u’*=1+3Inx== dx=2—:du
X
. {x:l:u:l
Do1 can:
X=e=>u=2
u -1 2
Khi d6 |_j( )—dt_gf
. u.3 9l
e
Cau 20. Tinhtich phan | = | VL+3INX 1 bang cich dit t =17 3INX . ménh d& nao duéi day sai?
X
2 4|2 2% 2% 5 14
A 1==t3, B I:—Itdt. g.l:-jt dt . D. I==—.
9 3 34 9
Loi gidi
Chen C
bit t=+1+3Inx =>t?* =1+3Inx=>= dx_%dt
X
.. . | Xx=1l=>t=1
Dao1 can: .
X=e=>t=2

Khi do I_It—dt——jtz.dt:%

Dang 2. Pi bién s6 dang 2

M
/

M Phwong phap: Dé tinh tich phan: | =

\

f (x)dx, ma bieu thire dudi dau tich phan c6 dang
1. «Ja®-x*:dat x=|alsint; te[—z E}
2. \/xz—azzdatx=|fi|; {— }\{0}

sint 2 2

D ey T

3. Jx*+a’: x=la|tant; te(—Z zj
2 2

/a+x fa—x
4. ,|— hoac ,|—— : dat x=a.cos2t
\ a—x a+x /
; : ; o0t !
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-
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@ Bai tip minh hoa:

1
Cau 1. Tinh tich phan sau: | =.[\/1— X2 dx .
0

AZ B. 1. C.0 D. -Z.
4 4
Loi giai PP nhanh tric nghiém
Chon A w . Buéc 1. Sir dung 1énh dé man
® Dit x =sint taco dx = costdt. hinh méy tinh cam tay hién:
. & Math
Poi can: x:0:>t=0;x:1:>t=£.
2 O,
[Ji®
1 % % V.4 r A \ J4
Z1+cos2t 7 | v'. Budc 2. Nhap ham so f(x)
| = |v1-x*dx = ||cost|costdt = | cos? tdt = | 2 =————dt = —. '
! ! | cost| ! o= Buses, Nhap cin
v'. Buéc 4. An phim =
1
Cau 2. Tinh tich phéan sau: | :'[ dX2 .
5 1+ X
A Z B % c * D Z_N3
A FTY >y S
Loi giai PP nhanh tric nghi¢ém
Chon A w . Buéc 1. Sir dung lénh dé man
® Dt x=tant, taco dx=(1+tan’t)dt. hinh mdy tinh cam tay hi¢n
& Math
x=0—>t=0 D
Doi can )
X=1l>t=— JD Dd':'::
L v'. Buéc 2. Nhap ham s6 f(x)
¢odx oz . A A
Vay |=J‘ 2=Idt:t|§=_- v'. Budc 3. Nhép cén
o 1+ X" g 4 v'. Buéc 4. An phim =
dx

N3
Cau3. Khiddibién x=~/5tant thitich phan | = j
0

> tr¢ thanh tich phan nao sau day?
X“+5

i i 5 g 6
A. 1 = [/t B I=[dt C. I = [t D. I =[=dt
0 0 5 0 0 t
Loi giai PP nhanh tric nghiém
Chon B -
Pit x= J5tant = dx = J§(1+ tan? t)dt + Tinh tich phan I bang mt.
Pdi can + Tinh tich phan tirng dép an A,B,C,D.

x=\/§:>t=%;x:0:>t=0

| tré thanh

+ Pbi chiéu két qua, chon dap an C.
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Tai liéu tw hoc danh cho HS Lép KHXH

L New 2020

%\/3(1+tan2 t)dt _% 5(1+tan2t)dt _% J5dt
-([ 5tan’t+5 _I[ 5

5(tan’ t +1)

0

@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhén biét:(10 cau)

1
Caul. Tinhtichphan I = j 2dX3 chon cach d6i bién hop 1i nhét:
< X7+
A t=x*+3. B. x=+/3tant. C. t=+/3sinx. D. x=t*+3.
o , p A ¢ odx , O r 1A
Cau 2. Tinh tich phan |=j — chon céch doi bién hop li nht:
o X°+16
A t=x"+16. B. t=4sinx. C. x=4tant. D. x=t*+4.
. e ?odx ez .y
Céau 3. Tinh tich phan I:j o chon céach doi bién hop li nhat:
o X+
A. t=x"+25. B. x=t*+5. C. t=5sinx. D. x=>5tant.
7 dx s , ,
Cau 4. Tinhtich phan I :I T 7 chon cach d6i bién hop li nhat:
. X°+
A t=x*+7. B. x=+/7 tant. C.t=7sinx. D. x=t>+7.
A p p A © dx , SO ;1A
Cau 5. Tinhtich phan | =.[4 > chon cach doi bien hop li nhat:
< 4+ X
A t=4+x B. x=4tant. C. t=4sinx. D. x=t*+4.
2
Cau 6.  Tinh tich phan | :I\/4—x2dx, chon cach dbi bién hop li nhat:
0
A. x=2tant. B.t=4-x". C. x=2sint. D. t=2sinx.
3
Cau 7. Tinhtich phan | = j V9-x2dx chon cach di bién hop 1i nhét:
0
A. x=3cost. B.t=9-x°. C. x=3tant. D. t=3tanx.
5
Cau 8. Tinh tich phan I:j\/25—x2dx chon cach d6i bién hop li nhat:
0
A t=25-x°. B. x=5cost. C. x=>5tant. D. t =5tanx.
4
Cau9. Tich phan I\/lG—xzdx chon cach ddi bién hop 1i nhat:
0
A t=16-X. B. x=4tant. C. t=4sinx. D. x=4cost .
J§ 2 r r
Cau 10. Tich phén I\/3—X2dx chon cach d6i bién hop li nhat:
0
A t=3-x2 B. x=+/2cost C. x=+/3tant D. t =3tanx
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2. Théong hiéu: (10 ciu)

Céau 11.

Cau 12.

&
Poi bién s6 x =4sint cia tich phan J V16 —x*dx ta dugc:
0

4
A. I:—16Icosztdt. B. |
0

N

8

O [y O

(1+cos2t)dt.

C. | =16/sin?tdt . D.1=8

(1-cos2t)dt.

O |y

1
Tich phan J. V1-x%dx bang:
0

3 7 3 2
A. —jsinzt.dx. B. Isinzt.dt. C. —J'coszt.dt. D. Icoszt.dt.
0 0 0 0
© o dx
Cau 13. Doi bién x =2sint tich phan trd thanh:
'([\/4—x2
: : s :
A [tdt. B. [dt. C. [dt. D. [dt
0 0 0 t 0
o :dx
Cau 14. Khi doi bien x =3tant thi tich phan | :I T g trd thanh tich phan nao sau day?
2 X2+
: : : :
A. jsdt B j—dt C jsdt D. jsdt
0 0 3 0 0
3
5
Cau 15. Tich phan j o bang
9
B —+X
5 25
34 54 34 54
Agidt Bgldt C.——;[dt D—gidt
6 6 6 6
Cau 16. Tich phan TL voi a>0 bing:
s vai—x? .
i 3 5 o
Ajdt. B jdt. C.jdt. D.jdt
0 0 0 0
Cau 17. Tich phan: | = I\/a2 —x*dx v&ia> 0 bang:
0
4 4 4 4
A 2T B. 27 c.ar p. &%,
8 16 4 32
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3
Cau 18. Tich phan: | = I\/Q—xzdx bang:
0
4
N g. 87 c.8tz p. 87
8 4 16 32
4
Cau 19. Tich phan: I = j V16— x2dx bang:
0
A. 32r. B. 64r. C. 16rx. D. 87.
5
Cau 20. Tich phan: 1= | /25— x?dx bing:
0
A. 32r. B. 64r. C. 16r. D. 8r.
Bang dap an
1B | 2Cc [ 3D ] 4B [ 5B | 6 | 7A | 8B | 9D | 10B
11B | 12C | 13A | 14B | 15A | 16A | 17B | 18C | 19B | 20B
Huéng din gidi( phan TH)
2 r r J§
Céau 11. Daibién so6 x=4sint cua tich phan .[\/16—X2dx ta dugc:
0
1 7
A. |=—16jcosztdt. B. | =8 (1+cos2t)it.
0
7 7
C. I =16[sin’tdt. D. I =8[(1-cos2t)t.
0 0
Loi giai

Céu 12.

biat x=4sint tacd dx =4costdt.
Doi can: X:0:>t=0;X=\/§:>t:%.

/4

N3 % 4 z
Vay : | = I V1-x2dx = 16I| cost [costdt = 16_[ cos’ tdt = 8]04 (L+cos 2t)dt.
0 0 0

1
Tich phan J' V1-x?dx bang
0

A. —|sin?t.dx. B. [sin®tdt. C. -

o'—-.m\a
O"—:N\N
o'—.,\;\.ﬁ

Loi giai
Chen D

bat x =sint tacd dx =costdt.

Pbi can: x=0:>t=0;x=1:>t=%.

cos’t.dt.

D. |cos tdt.

O N | Y

Fb: ThayTrongDGI
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Va T

1 2 2
Vay | :jxll—xzdx:j|cost|costdt:jcosztdt.
0 0 0

dx

1
Cau 13. Ddibién x =2sint tich phan tr& thanh:
'([\/4—x2
A. | tdt. B. |dt. C. |=dt D. |dt
0 0 Ot 0
Loi giai

Chon B
bat x=2sint tacé dx = 2costdt.
Doi can: x=0:>t:0;x=1:t:%.

3 5 5
Vay: 1 =] dx dx = | 2cost dt = [ dt

0 \/4-—X2 0 \/4—4Sin2t 0

3
Cau 14. Khi @i bién x=3tant thi tich phan | = [

0

> tro thanh tich phan nao sau day?
X“+9

A. int B.
0

1 % i
~dt C. j 3dt D. j 3dt
3 0 0

O~ [N

Loi giai
Chon B

Pit x =3tant, te (—f;fj = dx =3(L+tan’ t)dt
2'2

bbi cin: Xx=0=1t=0; X=3:>t=%.

. 3 1 2 %1
Suy ra: | :'([m.s(l'i'tan t)dt:£§dt
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V_Dang 1.

BAI 3: TICH PHAN TUNG PHAN

sin ax

f (x)| cosax |dx.

ax

e

(@)-Phu’o’ng phap:

u=f(x) du = f'(x)dx
sin ax sin ax
bat :
dv =| cosax |dx v =I cosax |dx
N\ 3 3 Y,
®_Bai tap minh hoa:
2
Caul. Tinhtichphan I = Ixexdx_
1
A | =¢°. B. | = —€2. C.l=e. D. | =3e? —2e.
wLoi giai PP nhanh tric nghiém
Chon A - Tinh tich phan
U=X du = dx ] Math &
bt {d ” :>{ ) JTEEKHK
v = e dx v=e
2 2 7.389056099
I = _[ xe’dx = xe’ | —Iexdx =2¢"—e—¢e'|; - Luu két qua bang bién A
1 1 ' E Math &
ANS+A

7. 359056039

- Kiém tra céc dap 4n: A diing

w Tinh tich phan:

+o [ -
A-é?
0
1
Cau2. Tinhtich phan | = [ (x—2)e”dx.
0
2 2 2 2
A I:5—3e . B. I:5—3e . C. I:5—3e _ D. I:5—3e .
4 4 4 4
wLoi giai PP nhanh tric nghiém

Fb: ThayTrongDGI

42
Fai ligu bi€n soan va swu tam

Chic cac em hoc tot !




=~ On thi QG Lé&p KHXH

New 2020
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(3x+2)cos 2xdx. Dung tich phan timg phan

5 dU ZdX D] Math &
® Dat = h = — s
N {dv=ezxdx v:le2X (chon C=0) JDE:{ 21e""
o -4, 291792074
=1 =(x— 2) 1 o2 lj‘ezxdxz 5-3e” _ - Luu két qua bang bién B
o 2% 4 ] Math &
Ahs+E
-4, 291792074
- Kiém tra cac dap an: B dung
E o} Math &
_[5-3¢& ]
B-( =5
I
Cau 3. Tich phan J.(3x+2)coszxdx bang;
0
2 3 2 1 2 2
A —-zn°-rx B.—z“+nx. C. Z?Z' +7. D.=zn"-rx
wLoi giai PP nhanh tric nghi¢ém
Chon B = Tinh tich phén:
® Dit | :I(3x+2)coszxdx. Ta co: = Ty
0 It
e |2 cas2accostnn
=1(3x+2)(1+cos2x)dx
24 10. 54379595
1% 1 . . »
ED(3X+2 dx+j 3x+2 costdx} 2( +1,). | - Luu két qua bang bién C
0
z 3, "3 ) [F] Math &
1, !(3x+2)dx (ZX +2xj0 =7 +27. Ans+C
T 10, 54379595
0

du = 3dx

{u =3x+2
Pit

= 1 . )
dv = cos 2x dx v=Esm 2X

Khi do6

—?Tsin 2xdx

I, :1(3x+2)sin 2X
2 0
=0.

0

3
=0+— 2
+4(cos X)

Vay | :£(§ﬁ2+2ﬁj:§ﬁ2+ﬂ'
2\ 2 4

Kiém tra cac dap an: B dung

F Math &

c- (35243

Fb: ThayTrongDGI
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@_Bai tap ap dung: (10 cAu NB; 10 cau TH)
1. Nhén biét:(10 cau)

Caul. Chotichphan I = [(x—1)sin 2xdx. Tim déng thic ding?

Ct— |y

i T
Al =—(x—1)cost—J'c052xdx. B. | =—%(x—1)c032x ) —Icostdx.
0 0 0
1 P14 T4
C. 1 z—E(X—l)COSZX +§J'c032xdx. D. I =—(x—1)cos2x +_[costdx.
0 0 0 0

Cau 2. Tinhtich phan I = [(2x—1)cos xdx.

e ONIE

A T-2. B. -3. C. ~-1. D. 4.

T

4
Cau 3. Giatricua | ZIXCOSZXdX la:
0

A Z B.Z+1, cz.t p.Z. L
8 8 4 4 4 8 4
5 ‘
Cau 4. Tinh tich phan J'(Z—x)sin3xdx bing:
0
Al B. /. c.? D. 2.
9 9 9 9
2 ‘
Cau5. Tinhtichphan 1= j(xz +1)sin xdx béng:
0
A l=rx-1. B.1=2-1, C.I=1-r. D. 1=1-Z.
2 2
2
Cau 6. Tinh tich phan I =I(2x —1)sin 3xdx
0
A2 B. > c.> D. -2
9 9 8 8
2
Cau 7. Tinhtich phan I, = jx(1+sin 2x)dx
0
w1 w1 m .3 7 _3
A 32 4 B. 32 4 c. 32 4 D. 32 4

2
Cau8. Tinh tich phanl, = [ (2x~1)e*dx
1

44
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A. e’ —e. B. e®+e+1 C. e +e D. e’ +e-1.
1
Cau9.  Tinh tich phan | = [(x-1)e™dx
0
2 3 3 3
A 4—e B 4+e C. 4-2e D. 4—e
9 9 9 9
1
Cau 10. Tinh tich phan1= j(e’2X +x)edx
0
A 2-1 B.3-1 c.1-1 D. 4-1
e e e
2. Thong hiéu: (10 ciu)
1
Cau 11. Tinh tich phan I = [ (x*+1)e"dx
0
A. 2e-5 B. 2e-3 C. 2e-1 D. 2e-4
1
Cau 12. Tinhtich phan 1 = x(ezx +£/x—1)dx
0
A Ll B lee_ 1 c.le_t D. 12 L
4 8 4 10 4 14 4 14

Céau 13.

Cau 14.

Céau 15.

Cau 16.

Cau 17.

Cau 18.

1 u=2x+1 .
Cho | = j (2x+1)e*dx. Dt . Chon khéng dinh dtng.
dv =e*dx
0

1 1 1 1
A. |=3e—1+2jede. B. |=3e—1—2jede. C. |=3e+2jede. D. |=3e—2jede.
0 0 0 0

Biét tich phan Jj(:z: — 3) e'dz = a + be voi a,b € R. Tim téng a+b.

A a+b=1.. B.a+b=25.. C.a+b=4-3e.. D.a+b=-1.
S X ; " ae'+be’+c . C A
Cho biét tich phan | :JX(ZX +1In X)dxzf véi a,b,c la cac udc nguyén cua 4.

1
Tinh tong: a+b+c
A. 4. B. 1. C.3. D. 2.

1 1
Cho j(x+1) f(x)dx =2 va 2f (1) - f(0) =1. Tinh jf(x)dx:?
0 0
A l=-1. B. 1=1. C.l==-2. D.1=2.

Cho j(2x+1) f'(x)dx =3 va 3f(1)— f(0)=1. Tinh if(x)dx =7

A I=-1. B.l=—=. C.I=1. D. I:E.
2 2

Tinh J :jxsin xdx.
0
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A . B. x. c. k. D. L.
4 2
i 1
Cau19. Biét j(x+2020)e*dx —ae+h. Véi abeZ. Tinh T =a+b
0
A T=1. B.T=2. C.T=3. D.T=4
2
Cau 20. Tinh 1 =IxeX dx.
1
A l=¢%. B. | =—¢°. C. | =3e*-2e. D. | =e.
Bang dap an
1.C 2.B 3.D 4.D 5A 6.B 7.A 8.C 9.D 10.A
11.B 12.C 13.B 14.A 15.D 16.A 17.A 18.B 19.A 20.A
M Dang 2.
4 , )
M_Dang2.: j f () In(ax)dx
®-Phwong phap:
| du dx
u = In(ax =—
bat: {d f( )d X
V=T T g
e 2
Caul. Chol =Ix|nxdx _ac +b voia,b,ceZ.TinhT=a+b+c.
c
1
A. 5. B. 3. C. 4. D. 6.
Loi giai PP nhanh tric nghiém
‘Chon D B
du :ldx
Cfu=Inx X
Ta co: nén
{dv: xdx RS
S 2
e 2 e e 2
I :lenxdx :X—Inx —lj.xdx _¢ +1
1 2 1 2 1 4
a=1
=<b=1.
c=4
Vay T =a+b+c=6.
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5
Cau 2. Tinh tich phan I=I(x+1)|n(x—3)dx?
4
A.10In2. B. 10In2+£. C. Q—lOI D. 10In 2—E
4 4 4
Loi giai PP nhanh tric nghiém
e Chon D Quy trinh bAm may.
1 w Bim may tinh:
bat {u_ln(x 3) dU—X_3dX = m Math &
a
s |5 e ince-aoce
2. 181471806
5 s 1?4 x w Luu két qua:
| ( X +xj|n(x 3)‘ _J'Z;dx Math &
45 x-3 ANS+A
:—I , j.X2_9+9 J.X 3+3 E. 1514?15':'5
27 x-3 . .
1(9 x Kiém tra két qua:
:—In2——(—+3+9|n2)—(1+3|n2) Math &
2( 2 _ L=
a-[101lnc2y—12]
_lOInZ—Z 1
r 2 r r
Cau3. Bict IZxIn(x+1)dx=a.Inb,véi a,beN", b 1as6 nguyén to. Tinh 6a+7b.
0
A. 33. B. 25. C. 42. D. 39.
Loi giai PP nhanh tric nghiém
Chon D w @_Quy trinh bAm may.

2
o Xét | =[2xIn(x+1)dx =6.
0

. Ju=In(x+1) du:idx
bat x+1 .
dv = 2xdx Vex?—1
Ta co:
2 fx2-1
| =(x*-1)I 1) — d
(x ) n(x+ )‘0 ! o

2

2 2
:3In3—'|‘(x—l)dx =3In3—(%—xj =3In3.
0

0

Vay a=3, b=3=6a+7b=39.

Taco a.lnb=Inb?
Buorc 1.

Vo n

2
JDExln(1+x}dx-ﬁﬁ

3. 295836866
Buéc2. A=Inb?* < b® ="

Vo @ A
eﬁ
27
Bwéc 3. BAm Shift + FACT
v @ &
27
33

Viy a=3, b=3 = 6a+7b=239.

Fb: ThayTrongDGI

Fai ligu bi€n sogn va swu tam

Chiic cac em hoc tot !




<~ On thi QG Lop KHXH Tai liéu tw hoc danh cho HS Lop KHXH . Naw 2020

@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhén biét:(10 cau)

Caul. Tinh tich phan I = [ (x+2)In xdx:
1
2 2 2
Ar=1. B 1=5-2 O p.1-21
2 2 4 4
Cauz. Néwdit{ '~ thi tich phan 1 = [ (2x-+1)Inxdx tr thanh
. = [ (2x+1)In xdx :
au éuda v — (2 +1) dx i tich phan Jl.( ) ré than
Al x +x J (x+1)d B. I:lenx‘l—j(x+1)dx.
1 1
2 e (2 e
C.l=x Inx‘1+!xdx. D. 1=(x +x)|nxL+Jl‘(x+1)dx.
2
Cau3. Tinhtichphan J = j x In(x+1) dx .
0
A.J:EInB. B.J:§In3. C.J:EIn3. D.J:§In3.
3 3 2 4
r N 2 r
Cau4. Biétrang Iln(x+1)dx:aln3+bln2+c véi a, b, ¢ lacéacso nguyén. Tinh S=a+b+c.
A. S=0. B. S=1. C.S=2. D.S=-2.
2
Caus. Biét [2xIn(x+1)dx=alnb,véi a,beN", b 1a sd nguyén t6. Tinh a+b.
0
A. 33. B. 25. C. 42. D. 6.
5
Cau 6. Tinh tich phan I=I(x+1)|n(x—3)dx?
4
A.10In2. B. 10|n2+g C. g—10| 2. D. 10In 2—g
4 4 4
2
Cau7. Biét [2xIn(1+x)dx=alnb, véi 8 beN", b la s6 nguyén t6. Tinh 3a-+4b.
0
A. 42. B. 21. C. 12. D. 32.
3
Caus. Biét .[In(x—l)dx:aln2+b v6i a,b 1a cac s6 nguyén. Khi d6, a+b bang
2
A. 0. B. 1. C. 3. D. 2.
Cau9. Tinh |_j'”4xdx aln3+bIn2. Tinh T=a+3b.
(x+1)°
A T=1. B. T=5. C.T=3. D.T=4.
3
Cau 10. Tich Phan I = [In(x’ —x)dx la:
2
A. 3In3. B. 2In2. C. 3In3-2. D. 2-3In3.
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2. Théong hiéu: (10 ciu)

Cau 11.

Cau 12.

Céau 13.

Céau 14.

Céau 15.

Céau 16.

Cau 17.

Céau 18.

Cau 19.

Céu 20.

2
Tich phan 1 = | INX 4x biing;
X
1

A Z(L+In2). B. 2 (1-In2). C. 5(In2-1), D. 2(1+In2).

2
Tich phan K = I(Zx—l) In xdx bang:
1

A. K:3In2+1_ B. K:l_ C. K=3In2. D. K:2In2—l,
2 2 2
[ e*+1 . . .
Cho J'x3lnxdx: 2 i a,beZ.Tong a+b bang
1
A. 20. B. 10. C.17. D.12.
Biét | :Ixz In xdx = ae®+b véi a, b lacac sé hitu ti. Gia tri cua 9(a+b) bang
1
A. 3. B. 10. C. 9. D. 6.
2
Biét IZxIn(x+1)dx:aInb, véi a,b e N", b 1as6 nguyén t6. Tinh 6a+7b.
0
A. 33. B. 25. C. 42. D. 39.
2
Biét j(4x—1)|nxdx:aln2+b.,véi a,beZ.Tinh 2a+b.
0
A. 5. B. 8. C.13. D. 10.
tinx b
Cho tich phan | =I7dx:g+aln2 V6i a lasé thuc, b va c 1a cac sé nguyén duong, dong
1

thoi b la phén sé téi gian. Tinh gia tri cua biéu thaec P =2a+3b+c.
c

A. P=6. B. P=-6. C. P=5. D. P=4.

5
Cho Iln(xz—x)dx:aln5+bln2+c véi a, b, c lacacsd nguyén. Tinh S=a+2b—c.
2

A. S=23. B. S=20. C. S=17. D. S=11.
S x+Inx a 1 : 2
Cho 1 :I ~dx=—In2—-= voi a, b, M 1a cac s6 nguyén duong va la phan so toi gian.
1 (x+1) b c
Tinh gié trj cia bidu thirc § =22
c
A S=2. B.S=>. C.s=1. D.s=1.
3 6 2 3

b
Cho a>b>-1. Tich phan I = [In(x+1)dx bang biéu thirc nao sau day?
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A | :(x+1)ln(x+1)\:—a+b. B. | =(x+1)ln(x+1)\:—b+a.
1 [ ;
C.l= D. 1 =xIn(x+1)] + [~ dx.
(x+1) . ° X+1
Bang dap an
1.C 2.D 3.C 4.A 5D 6.D 7.B 8.B 9.D 10.C
11.A 12.D 13.A 14.A 15.D 16.D 17.D 18.B 19.B 20.B
M Dang 3.
KIZI D 3. feax sinax dx \
ang :
) cosax
®-Phwong phap:
B sinax du :{ aco_sax }dx
Pat: . |cosax |= —asinax
dv =e*dx V= leaX
a
®_Bai tap minh hoa:
2
Caul. Tinhtichphan I = I cosx.e*dx.
0
2 7 z 7
A.e +2. B.e 2 C.e +1_ Q.e 1
2 2 2 2
Loi giai PP nhanh tric nghi¢m
Chen D . Tinh:
z _ F] Math &
2 Z
| = [cosxedx o €7 Cos (R
0
U = COSX du = —sin xdx 1. 30523863
bat: =
dv =e*dx v=g" = Wath &
x x ANS+A
V4 2 2
X2 4+ [ sinx.e*dx = —1+|sin x.e*dx (*
o+ Jsinxe'dx (9 1. 90523869
2 g T
J= J' sin x e*dx Kiém tra cac dap an: _ __
° I
u=sinx du = cosxdx 2 _
Pit: = |E'|—'E 1
dv=e‘dx |v=¢" £ [
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. 32 s 32
J =sin x.e* 5 —Icos xe*dx =e? —_[ cos x.e*dx
0 0
—e2—| (2%
5 . e2-1
Thay (2*) vao (*) taco: | =

a

2
Cau 2. Tinhtichphan I = J.sin x.e dx.
0

/4 -

Chon D

T

2
°o | = jsin x.e~*dx
0

u=sinx du = cosxdx
bat: =
dv =e "dx v=—"*

V4 T
| =—sinxe™ 2+ cosx.e ‘dx=-e 2 +J(¥)

O | N
O [ N

J = | cosx.e dx

U = COSX du = —sin xdx
bat: = .

dv =e*dx V=-—¢

s

z
2

J =—-cosxe™” 02 - Isin x.e *dx
0

a2 a2 _ - _% - _%_
A e +2. B. e 2 C. e +1. ) e 1
2 2 2 2
Loi giai PP nhanh tric nghiém

x Tinh:

[F| Math &

|Zsincoe
0. 3960602118

[F| Math &

ANS+A
0.3960602118

Kiém tra cac dép an:

] Math &
=1

¢ 2
IE'_EE+1 I:I

=1-1 (2%)
o2

Thay (2*) vao (*) taco: | = € 5 +1

3
Cau3. | :Ies'”x.sin 2xdx

0

A 1l B. 2 C. -1. D. -2

Fb: ThayTrongDGI Tai liéu bén soan v swu tim Chiic cac em hoc tot !




< On thi QG Lép KHXH =

Tai liéu tw hoc danh cho HS Lép KHXH

~  New 2020

Loi giai PP nhanh tric nghiém
Chon B w Tinh:
z
2.
=2jes’”x.sinxcosxdx.
0
u=sinx du = cos xdx
f sin x = sinx
dv=e cos xdx y=e
V3
o2
I =2sinxesmx|o2 — f e*™* . cos xdx
0
2
—2e-2e"5[2 =2
@ _Bai tap ap dung:
T
Caul. Tinh tich phan | :Iexc052xdx:
0
i T T_ T
A1=2"1 B. 1= "2 c.1=%"8 D.1=8 %
5 5 5 5
"
Cau 2. Tinh tich phan | = J' e “cos2xdx :
0
g o 2t e
A.Izl 2e . B.I:2 2e C.I:3 2e D.I:4 2e
3 3 3 3
3
Cau3.  Tinh tich phan | = [e"sin xdx.
0
A l=e2+42, B. | =e2 +1. C.1=e2+3. D. I:e2+%.
T
Cau4. Tinh tich phan | = [e"sin 2xdx.
0
: : : :
A1=*3 B 1=+ c.1=87*2 D.1=8*%
5 5 5 5
§
Cau’s.  Tinh tich phan | = [ " sin3xdx
0
% % 5 %
A.I:e +1_ B.I:e +1_ C.I=e +1. D.I:e +1_
7 8 9 10
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3

6
Cau 6. Tinh tich phan | = j e>*cosxdx

Al=3B L5 3 =38, L5 3
10°2 6 10 10°2 6 10
3 43 1 3 J3 1
=—(— —) y=, D. |= —(———) + =
10°2 6 1o 10°2 6 10
4

Cau7. Tinhtichphan | = Ie sin xdx

0

_Joe 4 *% _ St i
A polov2et N T LI OO S S LA
2 2 2 2
3
Cau 8. Tinh tich phan | :J. e2 sin xdx
0
_\eb _o\eb _\ab _\e$
A. Izw. g (8- 41 o (B-2e+l o (f3-2)e+1
2 3 4 5
i
Cau 9. Tinh tich phan | = J' e*cos®xdx
0
T T i i
A =23 B =X "2 c.l=2-% D. 1= -1
5 5 5 5
i
Cau 10. Tinh tich phan | = [e"sin’ xdx
0
i_ i_ i_ i
Al|=2e l. Bl|=2e 2_ C.|:2e 3_ D.|=2e 4
5 5 5 5
Bang dap an

| 1A | 2A | 3B | 4Cc | 5D | 6B | 7A | 8D | 9A | 10B |
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BAI 4: UNG DUNG CUA TiCH PHAN TRONG HiNH HQC

M_Dang 1. ’'ng dung ctia tich phan tinh di¢n tich hinh phing

KZI_ Dang 1. 'ng dung ctia tich phan tinh dién tich hinh phing
®-Phwong phap:
® Dién tich hinh phéng gid1 han boi dd thi ham s6 y = f (X) lién tuc trén doan [a; b] , truc

b
hoanh va hai duong thang x=a, x=b duogc xac dinh: S = I| f (X)|dx .

YA

? y_f(x) b

Z _ _

7 y=0 S = [|f (x)|dx
_ %//‘ (H) xX=a a
O a c¢ b b

b
va hai duong thang x=a, x=b duoc xac dinh: S = “ f (x)—g(x)|dx

YA (C€):y=Ff(x)
€=
X=da
x=b
)
5 > S= | £,(x)— ,(x)|dx

a

Chay:
b
- Néu trén doan [a;b], ham s6 f (x) khong ddi dau thi: [| f (x)|dx =

a

b

[ £ (0dx

a

- Nam vitng cach tinh tich phan ctia ham s6 ¢ chira gia tri tuyét dbi

d
Q: d duoc xac dinh: S = flg(y) - h(Y)|dy :

® Dién tich hinh phing gidi han boi d6 thi ham sb y= f(x), y=g(x) lién tyc trén doan [a; b]

- Dién tich cua hinh phing gi6i han béi cac duong x = g(y), x=h(y) va hai duong thing y =c,

)

TT
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®_Bai tip minh hoa:

Céau 1.

A. B. 7.

N | ©

Tinh dién tich hinh phang gi¢i han boi @6 thi ham s y=2-x* va y=x.

o 11
2

C.5.

Loi giai
® Phuong trinh hoanh d¢ giao diém ciia hai do thi
X=-2
x=1
Dién tich ciia hinh phang can tim 1a

1

S =”—x2—x+2‘dx=
)

3 2
= —X——X—+2x
3 2

1a: 2—x2=x<:>x2+x—2=0<:>{

1
j (—x? —x+ 2)dx
-2

1

2
>

-2

PP nhanh tric nghiém
= @ Trén [-12] ham s y = f(X)=—x*—x+2

khong dbi déu nén I| f (x)|dx = I f (x)dx|.

-2

® Quy trinh bim may.

1

- Nhap biéu thirc H—xz - X+ Z‘dx vao man hinh
-2

bang cach bam lan lugt cac phim sau:

- Khi d6 trén man hinh xuét hién

Math &

ARSI
=]
Z

Cau 2.

dé nao dudi day ding?

, In x
Goi S la dién tich cua hinh phang gi6i han boi cac duong y=—-, y=0, x=1, x=e€. M¢nh
X

In x tInx f
A S= ;zj—dx B. S =[5 d C S:j('”—j‘j d«. D.S= ;zj('”} .
1 1 X
Loi giai PP nhanh tric nghi¢ém
- w Xét ddu caa ham sb y:In—ZX trén doan [1;e].
X
In x ¢Inx
Vi Vx e[l e], Inx>0:>—>0 S:j—
x? X

1

Cau 3. Tinh dién tich hinh phang gii han boi cac dudong y =
Ve.
A. 7 : B. 56 :
3 3

x?, y= —%x +% va truc hoanh nhu hinh

p. 1
6

Loi giai
e Duya vao do thi ta co:
Dién tich hinh phang can tim 1a

PP nhanh tric nghiém
= ® Quy trinh bim may.

1 4
- Nhap biéu thirc .[xzdx+j(—% x+g)dx Va0 man
0 1
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1 4
S:'|.x2dx+'|.(—1x+ﬂjdx:lx3 +
) 737"3)" 3

1 4 | hinh (thao tac tuong tu cau 1).

- Khi d6 trén man hinh xuat hién

0

1 —
18 7 11 - B A
3736 6 Jn}i dH+J1[ Shtk
11
| 3

@ Bai tap ap dung: (10 cau NB; 10 cau TH)
1. Nhén biét:(10 cau)

Céau 1.

Céau 2.

Cau 3.

Cau 4.

Dién tich phan hinh phéng t6 den trong hinh v& bén dudi dugc tinh theo cong thirc nao dudi
day?
Yy

y=J(x)

5

r

3
—2 O 1
T T o

(90) - f(x))dx.

3

A. j(f(x)—g(x))dx. B.

2 .

C. j(f(x)—g(x))dx+j(g(x)—f(x))dx. D.

-2

Lo W

(900 = F ) dx+ [(f()—-g(x))dx.

Dién tich hinh phang gi6i han boi hai duong y=x®+11x—6 va y=6x 1a

A. 52, B. 14. c. i p. 1.
4 2
Dién tich hinh phang giéi han boi y=x?;y=0;x=1;x=2 bang
AL B. 2. c.? D.1.
3 3 3

Dién tich phan hinh phang gach chéo trong hinh vé& bén dugc tinh theo cong thirc nao dudi day?

B. J‘(Zx2 +2x—4)dx.

-1

56

Fb: ThayTrongDGI Fai liéu bitn sogn va swu tim Chiic cac em hoc tot !




<~ On thi QG Lép KHXH =

Tai liéu tw hoc danh cho HS Lép KHXH . New 2020
2 2
C. _[(—2x2+2x+4)dx. D. I(—2x2—2x+4)dx.
-1 -1
Cau’5. Tinh dién tich S cua hinh phing (phin gach soc) giéi han béi hai d6 thi ham sb
f(x)= Jx:g (x)=x—2 trong hinh sau
y
7 ,
o) /2 4 X
A.S:Z. B.S:E. C.Szl—l. D.S:Z.
3 3 3 3
Cau 6. Tinhdién tich S cua hinh phiang (H) gidi han boi cac dudng cong y =—x>+12x va y=—-x2.
A 5= B 5s=% c.5="5 D. 5=
12 12 4 4
Cau7. Goi S la dién tich hinh phing gi¢i han bdi d6 thi ham s6 (H):y= X—_i VA cac truc toa do.
X+
Khi d6 gid tri cia S bang
A. S=2In2-1. B.S=In2+1. C.S=In2-1. D. S=2In2+1.
Cau 8. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo céng thirc nao dudi day?
yi\
/ : ¥ = 3t
1
l;’ E v = T-x
[0
/ \
/ : \ X
/ 0 1 3 o
3 3
A .[(—x2+4x—3)dx. B. I(—x2+2x+11)dx.
1 1
3 3
C. j(x2—2x—1l)dx. D. j(x2—4x+3)dx.
1 1
Cau 9. Dién tich phan hinh phang gach chéo trong hinh v& bén duogc tinh theo cong thirc nao dudi day?
\r=x? t4x-1 A
-3 0/ 1%
0
A I(x2+3x)dx.
-3
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C. _T(—xz—5x+2)dx. D. j‘(x2+5x—2)dx.
e -3

Cau 10. Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?

_1,-'=.r2+.x:-2 *LJ /
\
'\l I -
\ __
Y 2
A0 X

N

/_-,-zzrf"-zxi’+x -1

1

A. j(—2x3+3x2—l)dx. B. j(2x3—x2+2x—3)dx.
. .
C. j'(2x3—3x2+1)dx. D. .1[(—2x3+x2—2x+3)dx.

N

[XI2. Thong hiéu: (10 cu)
Cau 11. Dién tich phan hinh phing gach chéo trong hinh v& bén dugc tinh theo cong thirc nao dudi day?

y=-2x+9x-8

A. (x3—5x2+9x—7)dx. B. (—x3+5x2—9x+7)dx.

C. (—x3+x2+9x—9)dx. D. (x3—x2—9x+9)dx.

P — ) C—
P e— ) —

Cau 12. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?

\ Ay
e P [y=-3
/2l 20 1 /)
/ | [
/}-‘=-x2-5x-5 i ‘ /
/ W
L 1
2 2
A. [ (5x-8)dx. B. [(2x°+5x+2)dx.
-2 -2
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Céau 13.

Céau 14.

Céau 15.

Cau 16.

Céu 17.

Cau 18.

Cau 19.

Cau 20.

C. f(—5x—8)dx. D. f(—2x2—5x—2)dx.
A 2
Dién tich hinh phang giéi han boi d6 thi cac ham sb y=x* va y=x°?
A. S=1. B.S=2. c.szé. D.S:%.
Tinh dién tich S cta hinh phang giéi han boi cac duong y=Xx*-2x, y=0, x=-10, x=10.
A.S:%?O. B. S =2008. C. $=2000. D.S=¥.

Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo céng thirc nao dudi day?
YA

y=a°—2x—1
2
o/ =
\

y=—a"+3
A. T(2x2—2x—4)dx. B. j(—2x+2)dx.
-1 -1
C. j‘(Zx—Z)dx. D. j‘(—2x2+2x+4)dx.
el -1

Tinh dién tich hinh phing gi6i han b6i do thi ham s§ Y = 4X — X° va tryc OX
34 31 32

A. 11. B. —. C. —. D. —.
3 3 3

Cho hinh phiang (H) duoc giéi han boi d6 thi ham s6 y =e”*, truc Ox,0Oy va duong thing
x=2.Tinh § hinh phang trén.

A e -1. B. l(e“—l). c. Let D. 1(e4+1).
2 2 2
p SA s \ 2 . D S 1 2 X—7
Tinh dién tich hinh phang gidi han badi hai do thi (P):y:—g(x —8X+7), (H): y:3—.
—X
161
A. 3,455. B. 9-8In2. C.3-In4. D. ?+4In3+8ln2.

Tinh dién tich S ctia hinh phéng gi6i han boi cac duong y = x> -2x, y=0, x=-10, x=10.
2000 2008

A.S:T. B. §=2008. C. S=2000. D.S=T.

Cho d6 thi ham s6 y = f(x). Dién tich hinh phang (phan t6 ¢dam trong hinh) 13
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by

a

0 1 7 1
A S = [ f(xdx+] f (x)dx B. S = f(x)dx
-2 0 -2
-2 1 0 1
C.S= j f(x)dx+j f (x)dx D.S= j f(x)dx—If(x)dx
0 0 -2 0
Bang dap an

1.C 2.D 3.A 4.C 5.B 6.A 7.A 8.A 9.B 10.C
11.C 12.D 13.C 14.D 15.D 16.D 17.B 18.B 19D | 20.D

Huéng din gidi( phan TH)

Cau 1. Dién tich phan hinh phang t6 den trong hinh v& bén duéi dugc tinh theo cong thirc nao dudi

day?
Yy
y=J(x)
3 @
—2 O 1
T\ oo
A, j(f(x)—g(x))dx. B. [(g(0)-f(x)dx.

0 3

C [(109-g(0))dx+[(g00)— f(x))dx. D. [(90) - f())dx+[(f(x)-g(x))dx.

-2 -2

Loi gii
Tir d6 thi hai ham s6 y = f(X) va y=g(x) taco dién tich phan hinh phing t6 den trong hinh vé&
bén dudi duoc tinh la:

S = [|f(x)-g()|dx

= [ 09— g (0)]dx+ | f () - g (x)|cx

:j(f(x)—g(x))dx+j(g(x)— f (x))dx.

Cau 2. Dién tich hinh phang giéi han boi hai duong y = x* +11x—6 va y =6x* la
A. 52. B. 14. C.l. D.l.
4 -2
Loi giai
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Céu 3.

Cau 4.

Caub.

Chon D
x=1
Phuong trinh hoanh d¢ giao diém cuia hai d6 thi la: x* +11x—6=6x*> < | x=2.
Xx=3

Dién tich cua hinh phang 1a: S =

4 2 4 3
X el o | |+ oo+ e —6x
4 2 4 2

1 2

2
j x —6X° +11x— 6
1

J% X% —6x2 +11x—6)dx
2

+
N|ER
N

1
4

Dién tich hinh phing giéi han boi y=x?;y=0;x=1;x=2 bang

A.Z. B.i. C.g. D. 1.
- 3 3 3

Loi giai
Chon A

2

2 2 3
Dién tich ctia hinh phang 1a S = HXZ‘ dx = j X dx = %
1 1

1

Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo cong thirc nao dudi day?

! y=2>-2z-1
E 2
o/N =

\

\y = —2°+3

2 2

A. J.(2x2—2x—4)dx. B. J.(2x2+2x—4)dx.
-1 -1
C. j(—2x2+2x+4)dx. D. i(—2x2—2x+4)dx.
-1 -1
Loi giai
Chon C

Tir d6 thi ta thdy —x* +3> x> —2x-1, Vxe[-1;2].
Vay dién tich phan hinh phang gach chéo trong hinh v& 1a

2
S= I[ —X* +3)—(x —2x—1)]dx:I(—2x2+2x+4)dx.

-1
Tinh dién tich S cua hinh phiang (phdn gach soc) giéi han boi hai do thi ham sd
f(x)=\/§;g(x)=x—2 trong hinh sau
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Cau 6.

Cau7.

A.S=§. B 5= C.S:l—;. D.S=

wl~

Loi giai
Chon B

S :i‘&—(X—Z)‘dX:I\/;—(X—Z)dX:(gxg—X?Z+2XJ

10

Tinh dién tich S cua hinh phang (H) gidi han boi cac dudng cong y=—x°+12x v y = —x?

A s=2L B. 5=% c.s=1% D. 5=,
12 12 4 4
Loi giai
Chon A
Xét phuong trinh hoanh dé giao diém 2 dudng cong:
x=0
X +12x =X’ & X(x* =x-12) =0 <= | x=-3.
x=4

Dién tich can tim la: S = }‘x3 —x? —12x‘ dx = jl‘x3 -x? —12x‘dx+jhx3 —x? —12x‘dx
e 3 0

4 3 4 3
XX 6y XX 6y
4 3 4 3

0 4

= j.(x3 —x? —12x

-3
-99| | -160| _ 937
-

Goi S 1a dién tich hinh phang gi¢i han béi do thi ham s6 (H):y= X1 s cho truc toa do.

4
j x -x2 —12x

0

+

-3 0

x+1
Khi d6 gid tri cia S bang
A S=2In2-1. B. S=In2+1. C.S=In2-1. D. S=2In2+1.
Loi giai
Chon A
(H):yzz—j, (H)cit truc Ox,Oy lan luot tai A(1;0),B(0;-1).

Goi (K) 1a hinh phing gi6i han béi cac dudng y = i—j y=0,x=0

1 2
- _l.(l—x—ﬂjdx (

:‘[x—Zln|1+x|:”z ~2In2-1.Vay S=2In2-1.

do X1 khong déi du véi x <(0:1))
X+1
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Cau 8. Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?
yi\
/ - ¥ = xc?+3c+d
."'l/ ¥ = T-x
,."'/ ‘.\
/ s
[0 1 \
3 3
A I( X2 +4x— 3)d : j( X +2x+11)d
1 1
3 3
C. I(x —2X— 11)d : j(x —4x+3)d
1 1
Loi giai
Ta thiy: VX e[L3]: —x* +3x+4>7-x nén
3
S= I[ —x* +3x+4 } I X +4x— 3
1
Cau 9. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo céng thirc nao dudi day?

Loi giai

Ta thiy: VX e[-3;0]: x—1>x*+4x~1 nén

S= j:[(x—l)—(x2 +4x—1)]dx = jl(—x2 —3x)dx.

Cau 10. Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?

63
Fb: ThayTrongDGI

Fai ligu bi€n soan va swu tam

Chic cac em hoc tot !



T OnthiQGLOpKHXH > 1y iy ty hoc danh cho HS Lép KHXH Caionz
¥ =xl+x-2 1
1
2
— >
110 X
|
|
|
|
|
y=2x-2%+x -1
1 1
A. I(—2x3+3x2—1)dx. B. I(2x3—x2+2x—3)dx.
: 3
1 1
C. I(2x3—3x2+1)dx. D. I(—2x3+x2—2x+3)dx.
1
; 3
Loi giai
Chen C
Ta thay: Vx e [—%;1} c 23— 2x2 +x—1>x2+X—2 nén
3 3
S =J[(2x3 —2x% +x-1) (X’ +x—2)]dx =J‘(2x3 ~3x* +1)dx.
1 1
Cau 11. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?
3 3
A '|.(x3—5x2+9x—7)dx. B. I(—x3+5x2—9x+7)dx.
1 1
3 3
C. j(—x3+x2+9x—9)dx. D. I(x3—x2—9x+9)dx.
1 1
Loi gidi
Chen C
Ta thdy: Vx &[L3]:-2x" +9x—82> x> —3x* +1 nén
3 3
S= I[(—sz +9x-8)—(x* - 3x* +1)]dx = .[(—xe’ +X* +9x—9)dx.
1 1
Cau 12. Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?
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".III Ay
\k 1 fy -2
VAR Y N /
/ = JI. f)\ % 0 1 / .
/ O\ /x
/ %l /
! /
y==x-5x-5 :
f/ QM /
—_
- >
A j(Sx—S)dx. B. j(2x2+5x+2)dx.
-2 -2
1
2 2
C. .f(—5x—8)dx. D. .[(—2x2—5x—2)dx.
-2 -2
Loi giai
Chon D
Ta thdy: Vx e [—2;—%} : —x*—5x—5>x*-3 nén
1 1
2 2
S= J.[ —X* —5x—5)—(x* S)de = I(—2x2—5x—2)dx.
-2
Cau 13. Dién tich hinh phang gi6i han boi d thi cac ham s6 y=x% va y=x°?
A. S=1. B. S=2. Q.S:l. D.S:l.
6 3
Loi giai
Chon C
x=-1
Xét phuong trinh hoanh d§ giao diém x° =x* < x°-x*=0 < X* (X ~1)=0 < | x=0 .
x=1
Dién tich hinh phang gidi han béi d0 thi cac ham sé y=x° va y=x" &
1
S= .Hx5 -x°fx.
-1
Cich 1: BAm may tinh
1
Ta duoc S = HXS - x3‘dx _L
) 6
Cach 2: Giai tu luan
0 1
1 1 1 1 1
S =|[x>=x*dx x—x X+ [ (x° = x®Jdx| = —x6——x4j +(—x6——x4J ==
e B S T R T I

Céu 14.

Tinh dién tich S ctia hinh phing gi6i han boi cac duong y=x°-2x, y=0, x=-10, x=10.

2000 2008

A.S:T. B. S=2008. C. S=2000. D.S= 3

Loi giai

Chon D
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Céch 1: Phuong trinh hoanh d¢ giao diém cua hai dudng (C):y=x*-2x va (d):y=0 la:

) x=0
X -2x=0& .
X=2
Béng xét dau:
x —o0 0 2 +o0
VT + 0 — 0 +

Dién tich can tim:

S = T ‘xz —2x‘dx: j' (x2 —2x)dx—'z|).(x2 —2x)dx+1f(x2 —2x)dx
0 2

-10 -10
0 2 10
3 3 3
X X X
= ==X | ==X +] ==X
3 3
-10 0 2

1300 4 704 _ 2008
3 :
Cach 2: Dung MTCT Casio fx 580VN X

+—+
3 3 3 3

Rl ] &

10| 5
J_m|x —2x|dx

2008
3

Cau 15. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo céng thirc nao dudi day?
YA

Y= —2°+3

Tir d6 thi hai ham sb y =—X*+3 va y =x*-2x-1tacé —x* +3>x* -2x-1, Vxe[-1;2].
Dién tich hinh phang gach chéo trong hinh v& 1a
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S= Jz[(—x2 +3)—(x2 —2x—1)}dx:J2‘l<—2x2 +2x+4)dx.

-1

Cau 16. Tinh dién tich hinh phing giéi han boi db thi ham s6 Y = 4X — X* va tryc OX..

A 11, B.%. C.3—1. Q.§.
3 3 3
Loi giai
Chon D
Goi S 1a dién tich hinh phing giéi han béi dd thj ham s Y = 4X — X* va truc OX.
) x=0
Xét phuong trinh 4X — X =0 < :
x=4
4 4 3 4
X 32
Taco S :ﬂ4x—x2‘dx= I(4x—x2)dx =|2x* -2 |[==.
0 0 3 0 3

Cau 17. Cho hinh phang (H) dugc giéi han boi @6 thi ham s y =e”*, truc Ox,0Oy va duong thang
x=2.Tinh § hinh phang trén.

A. e* 1. B. 1(e“ —1). c. Lot D. 1(e“ +1).
2 2 2
Loi giai
Chon B
r 1,p 1
Ta co: S:fezxdx:—ezx =— ¢ —1
2 o 2

0

. ; 1 X—7
Cau 18. Tinh dién tich hinh phang gi¢i han béi hai do thi (P): y=—§(x2 -8x+7), (H):y S
—X

A. 3,455. B. 9-8In2. C.3-In4. D. %ﬂ+4ln3+8ln2.
Loi gii
Chon B
1 X—7 x=0
Phuong trinh hoanh d6 giao diém —§(X2—8X+7)=3— <:>(x—7)(x2—4x)=0 & x=4.
—X
Xx=7
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dx

.
Dién tich hinh phang 1a S = I
4

g+%(x2—8x+7)

-7 .1 i
%+§(x2 —8x+7) dx :.!;

=‘(—1—3i+%(x2—8x+7)j

—X
3
= —x+4|n|3—x|+1 X ax47x
30 3

CAau 19. Tinh dién tich S cua hinh phing gidi han béi cac duong y=x>—2x, y=0, x=-10, x=10.

A.S:m. B. §=2008. C. S=2000. Q.S:@.

3

7

(X;?+%(x2 —8x+7)jdx

4
7
=9-8In2.

4

Loi giai
Chon D

Phuong trinh hoanh d giao diém cua hai duong (C):y=x*-2x va (d):y=0 &

) x=0
X -2x=0& .
X=2
Bang xét dau:
X —0 0 2 40
VT + 0 — 0 +

Dién tich can tim:

S = T ‘xz —2x‘dx: j. (x2 —2x)dx—j.(x2 —2x)dx+1f(x2 —2x)dx
0 2

-10 -10
3 0 3 2 3 10
N AN N AN I AR
3 3 3
-10 0 2

Céch 2: Dung MTCT Casio fx 580VN X

B &

10 | =
J_m|x —2x|ax

1300 4 704 2008
= +—+ = :
3 3 3 3

2008
3

Cau 20. Cho d6 thi ham s6 y = f (). Dién tich hinh phang (phan t6 dam trong hinh) 13

Av

A S= _T f(x)dx+'1[ f (x)dx B.S= Jl‘ f (x)dx

-2

68
Fb: ThayTrongDGI Fai liéu bitn sogn va swu tim Chiic cic em hoc tot !



~ On thi QG Lép KHXH Tai liéu tw hoc danh cho HS Lép KHXH & New 2020
-2 1 0 1
C.S =j f(x)dx+jf(x)dx D. S =j f(x)dx—j f (x)dx
0 0 -2 0
Loi giai
Chon D

Vx e[-2;0], f(x) >0; vx €[0;1], f(x) <0 néntacd: S = T f(x)dx—Jl. f (x)dx

-2

[¥_Dang 2. Ung dung ciia tich phin tinh thé tich

@_ Dang 2. ’'ng dung cta tich phan tinh thé tich \
®-Phwong phap:
1. Bai todn1: Tinh thé tich vat thé tron xoay sinh béi mién (D) gi6i han bsi y = f (X);
y =0va x =a, x=bkhi quay quanh truc OX.
b
* Phwong phap gidi: ap dung cong thirc: V = ﬂj y2dx
2. Bai toan 2: Tinh thé tich vét thé tron xoay khi cho hinh phang gi¢i han boi: y = f (x);
y=g (X) quay quanh truc OX.
* Phwong phap giai:
+ Giai phuong trinh: f (X) =g (X) cd nghiém x=a, x=Db
b
+ Khi d6 thé tich can tim : V =z [| £2(x) - g (x)fdx
3. Bai t0an3: Tinh thé tich vat thé tron xoay khi cho hinh phang gi6i han bai:
x=g(y);y=ay=b
b
* Phuwong phap giai: ap dung cong thirc:V = 7Z'j x*dy
4. Bai toan 4: Tinh thé tich vat thé tron xoay do hinh phang gidi han

boi:x=f(y); x=g(y)va y=a, y=b.
* Phwong phap giai:

b
Ap dung cong thirc: V = 7[” f2(y)- gz(y)‘dy
5. Bai toan 5: Tinh theé tich vét thé tron xoay sinh bdi mién (D) giéi han boi mot dudng cong
(C) kin.

* Phwong phap giai:
1/ Khi (D) quay quanh tryuc OX:

Chia duong cong (C) thanh 2 cung: vy, =f(x) va y,=f,(x) véi xe[ab] va

c /. \N. £ ..\ Y 1 A 71 * 327 ;1 A ;r 1 A r 1
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®_Bai tip minh hoa:

Caul. Chohimsd y=f(x) lién tuc trén doan [a;b|. Goi D la hinh phang gi6i han béi do thi ham s
y = f(x), truc hoanh va hai duong thing x =a,x =b(a <b). Thé tich khi tron xoay tao thanh
khi quay D quanh truc hoanh dugc tinh theo cong thirc

b b b b
A.V=n2jf2(x)dx. E.sz_[fz(x)dx. C.Vzﬂzjf(x)dx. D.V=27zjf2(x)dx.

Loi giai PP nhanh tric nghiém
Chon B = Hoc thudc cong thirc.

b
® Vxela;b]tacd vV :ﬁjfz(x)dx

Cau 2. Tinh thé tich V cua phan vat thé gidi han boi hai mat phang X =1 va X =3, biét rang khi cat vat
thé boi mit phang vudng goc vai truc OX tai diém c6 hoanh do X (1< x <3) thi duoc thiét dién

14 mot hinh chit nhat c6 d¢ dai hai canh 1a 3x va v3x* 2.

AV =32+ 2415, B. V_12;17z
g.vz%. D.V =(32+2415)x.
Loi giai PP nhanh tric nghiém

Chon C , 3
] , . Ta nhép biéu thirc j 3x+/3x% — 2dx nhu sau;
® Dién tich thiét dién la: S(X) =3x.+/3x2 -2 ]

y3Q(s3Q(dp2R1E3=
= Thé tich vat thé 1a: V = j 3xA/3x* —2dx = 12?4 + Man hinh hién thi:

Vo [ n

3xd3x7-2 ax

41.33333333

Chon C

Cau3. GoiS la dién tich hinh phang (H ) gi6i han boi cac duong y = f (X) truc hoanh va hai dudng
0 2

thang X =—1, X =2 (nhu hinh v& bén dudi). Pit a = I f dX b :I f (x)dx , m¢nh dé nao sau
-1 0

day dung?
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A. S=b-a B.S=b+a C.S=-b+a D.S=-b-a

Chon A
® Taco:

S =i|f (x)|dx=.(|ll|f(x)|dx+§|f (x)|dx
i

Loi giai PP nhanh tric nghiém

@ Dua vao d06 thi ta thay f(x) la ham dong
bién trén R nén ta c6 thé chon mot ham déng
bién trén R dé thay thé, vi du chon f(x)=x,
suy ra

2 0 2
x)dx+ff(x)dx=—a+b. a:jxdx:—%,b:jxdx:Z,
0 -1 0

2
Viay g :J.\x\dx:

-1

Lai thdy b—a ==, chon A

@ _Bai tap ap dung: (10 cAu NB; 10 cau TH)
XI1. Nhan biét:(10 cau)

Cau 1.

Céau 2.

Céu 3.

Cau 4.

Caub.

Goi (H) 1a hinh phang gi6i han boi cdc duong: y =sinx;O0x;x=0;x=x. Quay (H) xung

quanh truc OX ta dugc khdi tron xoay cO thé tich 1a:

2
T

A —. B.
2

C.r. D. 7°.

(ORI

Cho hinh (H) gi6i han boi y=sinx, x=0, x=7z va y=0. Thé tich khéi tron xoay khi
quay (H) quanh tryc Ox bang:

2 2
A Z. B. 2r. c. X, D. =
2 4 2

Goi (H) Ia hinh phing gigi han bsi cc duong y=+/xInx, truc Ox,x=1,x=e . Tinh thé tich
khdi tron xoay duoc tao thanh khi quay hinh phing (H) quanh truc Ox.
7z(e2 +1) (e-1)

2
-1
A B 2\~ 7 C. ﬁ(e+1). D.M.
4 3 3 4

Thé tich ctia khdi tron xoay khi cho hinh phing giéi han boi Parabol (P): y=x’ va duong
thang d : y = 2x quay quanh tryc OX bang:

A. 7Z'J2.4X2dX—7Z'j.X4dX. B. 7r'|2.(x2—2x)2 dx. C. ni4x2dx+7zix4dx.D. ni(xz—Zx)dx.
0 0 0 0 0 0

Tinh thé tich vat thé tron xoay do hinh phang gi6i han boi y =+/Inx, truc OX va dudng thing
X =2 quay xung quanh truc OX.
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A. 2In2+1. B. 27In24 1. C.2zIn2—r. D. 2In2-1.

Cau 6. Cho hinh phang D giéi han véi duong cong y=+/x*+1, truc hoanh va cic duong thing
x=0,x=1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao
nhiéu?

A.V=4§ B.V=2r C.Vzg D.V=2

Cau7. Cho hinh phiang D gidi han boi dudng cong y=+/2+sinx, truc hoanh va cic duong thing
Xx=0, x =7 .Khbi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich V bang
bao nhiéu?

AV =27%. B.V=27z(7z+1). C.V=2r. D.V:2(7z+1).

Cau 8. Cho hinh phang (H) giéi han béi cac duong y=x*+3, y=0, x=0, x=2. Goi V la thé
tich ctia khéi tron xoay dugc tao thanh khi quay (H ) xung quanh truc OX . Ménh dé nao duéi
day dung?

2 2 2 2 2 2
AV =x[(x+3) dx. B.V=x[(xX’+3)dx. C.V=[(x+3) dx. D.V=[(x"+3)dx.
0 0 0 0

Cau9. Cho hinh phang (H) giéi han béi cac duong thang y=x*+2,y=0,x=1x=2. Goi V la thé

tich ctia khdi tron xoay dugc tao thanh khi quay (H ) xung quanh truc OX . Ménh dé nao duéi

day dung?
2 9 2 ) 2 2
A.Vz;z_[(x2+2) dx . B.V=J.(XZ+2) dx . C.V:nj.(x2+2)dx. D.V:I(x2+2)dx.
1 1 1 1
Cau 10. Viét cong thuc tinh thé tich V cua khéi tron xoay dugc tao ra khi quay hinh thang cong, gi6i

han béi do thi ham s6 y = f (X), truc Ox va hai dudng thdng x=a,x=b(a<b), xung quanh

truc OX.
b b

A.V:nj.fz(x)dx. B.V =] f?(x)x. C.V:ﬂjf(x)dx. D. V = [|f (x)dx.

a a

[XI2. Thong hiéu: (10 cau)

Cau 11. Cho ham s6 y = f(X) lién tuc trén doan [a;b]. Goi D la hinh phing gi6i han béi d6 thi ham
s0 y = f(x), truc hoanh va hai dudng thing x=a, x=b (a<b). Thé tich khdi tron xoay tao
thanh khi quay D quanh truc hoanh duogc tinh theo cong thirc

b b b b
AV =z[f?(x)dx. B.V=2z[f*(x)dx. C.V=x"[f*(x)dx. D.V=x"[f(x)dx.

Cau 12. Kihiéu (H) la hinh phing gi6i han bdi d6 thi ham s6 y =2(x—1)e*, truc tung va truc hoanh.
Tinh thé tich V ctia khdi tron xoay thu dugce khi quay hinh (H ) xung quanh truc Ox.
AV =4-2e. B.V=(4-2)z. C.V=¢€"-5. D.V =(e*-5)x.
Cau 13. Tinh thé tich ctia khéi tron xoay duoc tao thanh khi quay quanh tryc hoanh hinh phang gidi han
boi d6 thi cta cac ham sé y=3x—x?,y =0.

A L B. X0, c.d p. 2

"15° 15 10 157
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Céau 14.

Céau 15.

Céau 16.

Cau 17.

Céau 18.

Cau 19.

Cau 20.

Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phing gi6i han
boi d6 thi cua cac ham sb y=—x3+x*+2,y=2.
A. Eﬂ. B. @ﬂ'. C. @ﬂ'. D.E.

35 35 35 35
Tinh thé tich cua khdi tron xoay dugc tao thanh khi quay quanh truc hoanh hinh phing giéi han
boi d6 thi cua cac ham sd y = 2x%,y = X°.
A, 1936 B, 26 c. 1536 D. 265

35 35 35 35

Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gi6i han
béi db thi cua cac hamsd y = x°,y=0,x =1.
A Z B. 2%, c.Z D.Z.

4 7 2 7
Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh truc tung hinh phing gii han
boi dd thi ciia cac ham sd y=2x*-3;y=1Ly=2;x=0.
c. ¥ p. 2%

4 15
Tinh thé tich cua khdi tron xoay dugc tao thanh khi quay quanh truc hoanh hinh phing giéi han
boi d6 thi ctia cac ham sé xy =9,y =0,x=1x=3.
A. 54r. B. 67. C.12x. D.6.
Tinh thé tich ctia khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gidi han

A. 8r. B.

NN

béi d6 thi cua cac ham s6 y = cos(7x), y=0,x:0,x=1.

T
A 71'(7z+2). 5 7r(sm2+2). c sin2+2 D T*2
8 4 4 8

Tinh thé tich ctia khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gidi han
bai d6 thi ctia cac ham sb y=cos’ X,y =0,x=0,x=7x.
? 37 37

AL B. 2% c. . D. Z.
2 8 8 2

Bang dap an

1A 2.D 3.D 4.A 5.C 6.A 7.B 8.A 9.A 10.A

11.A | 12D 13.C 14.A 15.B 16.D 17.C 18.A 19.B 20.C

Huwong dan giai

Cau 1.

Céau 2.

Goi (H) 1a hinh phang gii han boi cac duong: y =sinx;0Ox;x=0;X=7x. Quay (H) xung

quanh truc OX ta dugc khdi tron xoay co thé tich 1a

Az B. 2. C.z. D. 7°.
2 2
Loi giai
Chon A
Fiq V1 2
Thé tich khdi tron xoay 1a V = 7z'_|.sin2 x.dx = ZJ.(l—COSZX).dX = Z(X—lsin 2Xj T
J 2} 2\" 72 0 2

Cho hinh (H) gi6i han bsi y=sinx, x=0, x=7 va y=0. Thé tich khdi tron xoay khi
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Céu 3.

Cau 4.

quay (H) quanh tryc Ox bang

2 2
AZ B. 2r. c.”. D. .
2 4 2
Loi gidi
Chon D
Thé tich khdi tron xoay (H) quanh truc OX la:
e T4 V4 z 2
Vz;rjsin2 XdX=ﬁfﬂdxzZJ.(].—COSZX)dXZZ(X—}SiI’]ZXJ T =
) ! 24 2" 2 . 272

Goi (H) Ia hinh phing gigi han bsi cc duong y=+/xInx, truc Ox,x=1,x =e . Tinh thé tich
khéi tron xoay duoc tao thanh khi quay hinh phang (H) quanh truc OX.

a 7Y ) o R Gl
4 3 3 4
Lo gii
Chon D
Taco Vg, = ;rjxln2 xdx
1
U=In?x du:glnxdx 1 e .
paty = X .SuyraVy =z (—lenzxj —jxlnxdx .
dv=x v:lxz 2 L

1
{uzlnx du =;dX
bat .

dv =X v 1,
SuyraV, =7 (llenzxj —(llenxj +£dex
2 1 2 1 21

e e e 2_
=7 (llenzxj —(llenxj +(lx2j — x| & 1 .
2 X 2 X 4 X 4

Thé tich cua khdi tron xoay khi cho hinh phing gi6i han béi Parabol (P):y=x* va dudng

e

thang d : y = 2X quay quanh truc OX bang

A nj.4x2dx—7r.2|:x4dx. B. 7r_2[(x2—2x)2 dx. C. ni4x2dx+7r_2[x4dx.D. ﬂj(xz—Zx)dx.
0 0 0 0 0 0

Loi giai
Chon A
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Caub.

Cau 6.

Cau7.

-
R N e T -

-
3

1

. x=0
Phuong trinh hoanh d9 giao diém cua (P) va d 1a x* =2x < { 5
X =

2 2 2
Thé tich cta khdi tron xoay 1a 7Z'J- [(ZX)2 - (X2 )z}dx = 7Z'I 4x*dx — 7Z'J. x*dx
0 0 0

Tinh thé tich vat thé tron xoay do hinh phang gi6i han boi y = JInx, truc Ox va duong thang
X =2 quay xung quanh truc OX.
A. 2In2+1. B. 2zIn2+ . C. 2zIn2—r. D. 2In2-1.
Loi giai
Chon C
Giao ctia db thi ham s y= Jﬂ véi truc OX c6 hoanh d¢ 1a nghiém cua phuong trinh

Jinx=0<x=1.

2 2
. \ A .7 A A A \ 4 2
Goi V la thé tich vat thé can tim, ta co: V:;rflnxdx:;z xInx |l—7rde:27rIn2—7r
1 1

Cho hinh phang D gidi han v6i dudng cong y=+/x*+1, truc hoanh va cic duong thing
x=0,x=1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh ¢ thé tich V bang bao

nhiéu?
A.V:A'—7Z B.V=2r C.Vzﬂ D.V=2
3 3
Loi giai
Chon A

Thé tich khdi tron xoay dugc tinh theo cong thirc:

V= EE(M)Z dx = ;ri(x2 +1)dx= 7[[%3+XJ

1
A7

0

Cho hinh phang D gi6i han boi duong cong y=+/2+sinx, truc hoanh va cic dudng thing
x =0, x =7 .Khbi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich V bang
bao nhiéu?
AV =27°. §.V=27r(7r+1). C.V=2r. D.V =2(z+1).

Loi giai
Chon B
Ta ¢6 phuong trinh +/2+sin x =0 v6 nghiém nén:
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Céau 8.

Cau 9.

Céu 10.

Cau 11.

V= ET(\/2+sin x)zdx = sz(2+sin x)dx = 7 (2x—cos x)‘g =27 (7 +1).
0 0

Cho hinh phing (H) giéi han boi cac duong y=x*+3, y=0, x=0, x=2. Goi V 1a thé
tich ctia khdi tron xoay dugc tao thanh khi quay (H) xung quanh truc Ox . Ménh dé nao dudi

day ding?
AV =7zi(xz+3)2 dx. B.V =7zj(x2+3)dx. C.V =f(x2 +3) dx. D.V = [(x*+3)dx.
0 0 0

Loi giai
Chon A
Thé tich cta khoi tron xoay dugc tao thanh khi quay (H ) xung quanh tryc Ox la:

V= ni(xz +3)2 dx.
0

Cho hinh phang (H) gi¢i han boi cac duong thing y=x"+2,y=0,x=1x=2. Goi V la thé
tich ctia khéi tron xoay dugc tao thanh khi quay (H ) xung quanh tryc OX . Ménh dé nao dudi

day dung?
AV =ﬂj(x2+2)2dx. B.V =j(x2+2)zdx. C.V Zﬁj(X2+2)dX. D.V :j(x2+2)dx.
1 1 1
Loi giai
Chon A

Taco: V :nj(xz +2)2 dx .
1

Viét cong thire tinh thé tich V cua khdi tron xoay dugc tao ra khi quay hinh thang cong, gidi
han boi d6 thi ham s6 y = f (x), truc Ox va hai duong thang x =a,x=b(a <b), xung quanh

truc OX.
b b

A.Vzﬂ'j.fz(X)dX. B.V:jfz(x)dx. C.V:ﬂ'jf(X)dX. D.V:'ﬂf(x)‘dx.

a a

Loi giai
Chon A
Cho ham s6 y = f () lién tuc trén doan [a;b]. Goi D 14 hinh phing gi6i han béi d6 thi ham
s0 y = f(x), truc hoanh va hai duong thdng x=a, x=b (a<b). Thé tich khdi tron xoay tao

thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc
b b b b
AV :n.f f?2(x)dx. B.V 227Z"[f2(X)dX. C.V :ﬂzj f?(x)dx. D.V :ﬂzj f (x)dx.

Loi giai
Chon A
Theo cong thirc tinh thé tich vét tron xoay khi quay hinh (H ) quanh truc hoanh ta c6

Vz;z’jb‘fz(x)dx.

a
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Cau 12.

Cau 13.

Céau 14.

Ki hiéu (H) 1a hinh phing gi6i han boi @6 thi ham sé y=2(x—1)e*, truc tung va truc hoanh.
Tinh thé tich V cta khéi tron xoay thu dwoc khi quay hinh (H ) xung quanh truc Ox
AV =4-2¢. B.V=(4-2¢)z. C.V=¢€’-5, D.V=(e’-5)z.
Loi giai
Chon D
Phuong trinh hoanh d¢ giao diém 2(x-1)e* =0 < x=1

Thé tich cta khéi tron xoay thu dugc khi quay hinh (H ) xung quanh truc Ox la:

1 , 1 U= (x—1) dU=2(X—1)dX
Y, :ﬂj[z(x—l)eX] dX:4ﬂI(X—1)ZeZXdX.D£1t =(x-1) = o
0 0 dv = e**dx V=—
2
2€2xl 1 er 2e2><1 1
=V =47(x-1)" = —4r[2(x-1)=—dx=4r(x-1) =~ —4x[(x-1)e”dx
2 0 5 2 2 0 0
1 Uu=x-1=du=dx
Goi I, = [(x—1)e*dx. Dt 2x
o h !( ) ! dv = e¥dx = v ==

1 2 2
. =27 —ne‘ +7w=37r—rxe

e2x
= 1, =4z (x-1) 5

1 1 p2x
—47zj dx = 27 — e
0 0 2

2xl

Vay V =47 (x-1) e2

-1 =—27z—(37z—7zez):7z(e2 —5)

0
Tinh thé tich ctia khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gidi han
boi d6 thi ctia cac ham sd y =3x—x?,y=0.

A.E. B. Eﬂ' < %ﬂ' D.E.
15 15 — 10 157
Loi giai
Chon C

x=0

Ta co: 3x—x2:0<:{
X=3

Thé tich: V = ﬁz(sx —x? )2 dx = 18—é7z

Tinh thé tich ctia khdi tron xoay dugc tao thanh khi quay quanh truc hoanh hinh phang gigi han
bai d6 thi cta cac ham sb y=—x*+x*+2,y=2.

A. Eﬂ'. B. @ﬂ'. C. @ﬂ'. D.7—29.
35 35 35 35
Loi giai
Chon A

x=0

Taco: —x3+x2+2:2<:{
x=1

12

dx=—u.
35

(—x3 +X2+ 2)2 —2?

1
Thé tich: V = 7zJ.
0
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Céau 15.

Céau 16.

Cau 17.

Cau 18.

Cau 19.

Tinh thé tich cta khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang giéi han
boi d6 thi cuia cac ham sd y =2x%,y = x°.

A 1936 5 220 c 1536 D 265
35 35 35 35
Loi gidi
Chon B
Xx=0
Taco: 2x* =x° <:>[ . Thé tich: V = 7Z'HX —4x ‘dX—i67Z'
X=2 35

Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang giéi han
boi d6 thi cia cac ham s y=x3,y=0,x=1.
AL B. 7. c.Z D.Z.
4 7 2 -7
Loi giai
Chon D

1
Tacéd: x*=0«< x=0. Thé tich: V :ﬁIXGdXZ%ﬂ'

Tinh thé tich cua khéi tron xoay dugc tao thanh khi quay quanh truc tung hinh phang giéi han
boi db thi ciia cac ham sé y=2x° -3y =1y=2x=0.
A. 87. B c. ¥z p. 2%
2 - 4 15
Loi giai
Chon C

Tacd: y=2x*-3=x= +, ’ y _2'_ 3 nén thé tich cua khdi tron xoay duogc tao thanh la:

A oA

Tinh thé tich cta khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gii han
bai d6 thi ctia cac ham sé xy =9,y =0,x=1,x=3.
A. S4r. B. 67. C.12x. D.6.

Loi giai

=—7.
4

Chon A

Taco: xy=9<y=

: 481
Thé tich: V = nj—z dx = 54r.
X

Tinh thé tich cta khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gidi han

béi dd thi ciia cac ham sb y:cos(;zx),y:O,x:O,x=1.
T
+2 sin2+2 i
A E(7+2) g Z(sin2+2)  _ sin2+2 D 7*t2
8 — 4 4 8
Loi giai

Chon B
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1 1

Thé tich: V = ;zJ' cos’ (7x)dx = z j[1+ cos(27x) |dx = #(sin2+2)
0 2 4

Cau 20. Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang giéi han
bé’idéthi cua cac ham sb y:COS2 X,y=0,x=0,x=r.
i 37 c 3

A —. B. —.
2 8 - 8

Loi giai
Chen C

D. Z.
2

2

(1+ cos2x)2 dx =% (3+4c0s2x+cos4x)dx = 3%

i
4

O3 |+

T
Thé tich: V = JZ'J. cos* xdx =
0
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