Cau 1: (THPT Chuyén Hung Vwong-Phti Tho-lin 1-NH2017-2018) Hinh chép tir gidc déu co bao
nhiéu mit phang d6i xtng ?
A. 3. B. 2. C. 4. D. 6.
Loi gidi
Chon C
Do 1a cac mit phang (SAC) , (SBD), (SHJ), (SGI) véi G, H, I, J la cac trung diém cia
cac canh day dudi hinh v€ bén dudi.

Ciu 2: (THPT Chuyén Hung Vwong-Phi Tho-lan 1-NH2017-2018) Lang tru tam gidc déu c6 d¢ dai
tat ca cac canh bang 3. Thé tich khdi lang try da cho bang

A3 B 2% . 73 p. 23
4 - 4 2 2
Loi giai.

Chon B

A C'

A C

B

Dién tich day: S,z = %.3.3.sin 60° = # Thé tich V,=8pc-A4 = #

Cau 3: (THPT Chuyén Thai Binh-Iin 1-nim 2017-2018) Hinh chép tir gidc déu co bao nhiéu mat
phang d6i xtimg?
A. 2. B. 6. C.8. D. 4.
Loi giai
Chon D
D6 1a cac mit phing (SAC), (SBD), (SHJ), (SGI) vé6i G, H, I, J 1a céc trung diém cia
cac canh AB, CB, CD, AD (hinh v& bén duéi).



Cau 4: (THPT Hoa Lu A-Ninh Binh-lan 1-nam 2017-2018) V4t thé nao dudi day khong phai la khéi da

dién?

Loi gidi
Chon C
Vat thé cho bédi hinh A, B, D Ia cac khéi da dién.
V4t thé cho bdi hinh C khéng phai khdi da dién, vi pham diéu kién mbi canh cla da gidc nao ciing la
canh chung cta dung hai da giac.

Cau5: (THPT Lé Hong Phong-Nam Dinh-lan 1-nam 2017-2018) Cho S.ABCD cé ddy ABCD Ia hinh
vudng canh a . Biét S4 1 (ABCD) va SC = a\/§ . Tinh thé tich cha khdi chép S.ABCD .

3 3 3 3
Ay =% B.v=2L. C.V:‘“E. D.V:a\/g.
2 3 3 3

Loi giai

Chon B
S

Tacd SA=~/SC* —AC? =34 -24* =a.
2 a

R 1
Vay Vs isep = ga a= 3

Cau 6: (THPT Chuyén Bac Ninh-Iin 1-nim 2017-2018) Thé tich cta khéi tir dién déu c6 canh bﬁng 3.

A V2. B. 24/2. C.ﬂ. Q.ﬂ.
9 4
Loi giai
Chon D

32 92

Cich 1: Ap dung cong thirc tinh nhanh thé tich khéi ttr dién déu: V = =—




B
Cach 2: Khéi tir dién déu S.4ABC c6 day 1a tam giac déu va dudng cao SG.

2
S :M:ﬂ, AG:%iﬁ:ﬁ:SG:\/sff—Acﬂ =J9-3=1.

4 4 2

R 1
Vay Vs upc = E‘SAABC'SG =

Cau 7: (THPT Chuyén Bac Ninh-lin 1-nim 2017-2018) Cho khéi lang tru ABC.A'B'C’ c6 thé tich
bang V. Tinh thé tich khdi da dién ABCB'C’.

A B c.”. p. .
4 3 2 4
Loi giai
Chon B
. vV Vv 2
Taco: Vpewer =Viupe +Vewae = E + ? = T

Céu 8: (THPT Xuin Hoa-Vinh Phiic-nim 2017-2018) Hinh bat dién déu thudc loai khdi da dién déu
nao sau day?
A. {53} B. {4;3} C. {3;3} D. {3;4}
Loi giai
Chon D
Do cac mit cia bat dién déu 1a tam giac va moi dinh cua bat dién déu 1a dinh chung cua 4 mat
nén bat dién déu la khoi da dién déu loai {3;4}.

Cau 9: (THPT Son Tay-Ha Noi-lan 1-nam 2017-2018) Hinh nao duéi day khdng phai 14 hinh da dién?



Hinh 1 Hinh 2 Hinh 3 Hinh 4
A. Hinh 4. B. Hinh 1. C. Hinh 2. D. Hinh 3.
Loi giai
Chon D

Hinh 3 khong phai 14 hinh da dién, vi tn tai hai canh cua da giac day khong phai 1a canh chung
cua hai mat cua hinh.
Cau10: (THPT Son Tay-Ha Noi-Ian 1-nam 2017-2018) Chon khéng dinh sai. Trong mét khai da dién
A. mdi dinh 1 dinh chung ctia it nhat 3 mat.
B. mdi mit c6 it nhat 3 canh.
C. mdi canh cua mot khdi da dién 1a canh chung ctia dang 2 mat.
D. hai mat bat ki ludn c6 it nhat mot diém chung.
L& gidi
Chon D
Hinh 1ap phuong, hinh hdp c¢6 cac mat song song v6i nhau.

Cau 11: (THPT Son Tay-Ha Noi-lan 1-nam 2017-2018) Da dién du loai {5,3} cd tén goi nao dudi day?

A. Tt dién déu. B. Lap phuong. C. Hai muoi mit déu. D. Mudi hai mit déu
Hudng dan giai
Chon D
Cau 12: (THPT Chuyén DH Vinh-GK1-nim 2017-2018) Cho hinh lang try tam giac déu ABC.A'B'C’

c6 AB=2a, AA' =a~/3 . Tinh thé tich khéi lang try ABC.A'B'C'.

3 3
A.%. B.%. C. 3d°. D. &°.
Loi giai
Chon C

c

Do ABC.A'B'C’ 1a hinh lang try tam gidc déu nén (A4'B'C") la dudng cao cua khoi ling try.

Tam giac ABC déu, c6 canh AB=2a nén S, - :(— =
Vay V = AA'S, o = aN3.a*\3 =3a’.

Cau 13: (THPT Yén Lac-Vinh Phtic-1an 1-nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la
hinh vuong canh a. Biét S4 L (ABCD) va SA=a+/3 . Thé tich ciia khéi chép S.ABCD la:



Taco: h=SA=a3; B=S ., =d*.

3
y=lpp-@ 3 )
3 3
Cau 14: (THPT Yén Lac-Vinh Phiic-lan 1-nam 2017-2018) Cho khéi lang tru ABC.A'B'C’ ¢6 thé tich
1a 7, thé tich cua khdi chop C".ABC la:

A2V, B Ly cly D. 1y,
2 6

3
Loi giai

Chon C
Goi h 1a khoang cach tir C' dén mat phing (4ABC) va B 1a dién tich tam giac ABC. Khi do,
thé tich lang try V = Bh, thé tich khéi chép C'.ABC 1a V., . = %Bh .Do d6, Vo 1y = %V :
Cau 15: (THPT Yén Lac-Vinh Phtic-1an 1-ndm 2017-2018) Cho t& dién ABCD c¢b6 AB=AC va

DB = DC . Khang dinh nao sau day dung?
A. AB L (A4BC). B. AC L BC. C. CD L (4BD). D. BC L AD.

Loi giai
Chon D

A

Goi E 1a trung diém cua BC . Tam gidc ABC cannén BC 1 AE;
Tam giac DBC cannén BC L DE . Do d6 BC L (AED) = BC L AD.

Cau 16: (THPT Yén Lac-Vinh Phtic-IAn 1-nam 2017-2018) Thé tich cuia khdi ling try c6 dién tich day
bang B va chiéu cao bang & la:



Loi giai:
Chon A 7 '

Cong thure tinh thé tich khoi lang tru 1a: V' =B.A.
Ciu 17: (THPT Yén Lac-Vinh Phiic-Iin 1-nim 2017-2018) Cho khbi chop S.ABC, trén ba canh S4,

SB, SC lan luot 1ay ba diém A', B', C' sao cho SA’=%SA, SB'=%SB, SC’=%SC. Goi V

va V' 1an luot 14 thé tich cua cac khdi chop S.ABC va S.A'B'C’. Khi d6 ti sb "

A.12. B. L. C. 24. Q.i.
24
Chon D
B
Theo cong thic ti sé thé tich khdi chop, ta duge: — = A s 111 1

SA SB SC 234 24
(THPT Yén Lac-Vinh Phtic-Iin 1-nim 2017-2018) Cho khéi ling tru diéng tam giac
ABC.A'B'C" ¢6 day la mot tam giac vudng can tai 4, AC=AB=2a, goc gitta AC' va mat
phing (ABC) bing 30°. Thé tich khéi lang tru ABC.A'B'C’ 1

Cau 18:

3 3 2
A. 4“*6. B. 4“\5. C. 2‘“6. D. 4‘“6.
3 3 3 3
Loi giai
Chon B
B’ C'
A!
_____________ Y S C
B 302




Ta co AC 1a hinh chiéu vudng goc cia AC’ 1én mit phang (ABC )
= (4C',(4BC)) = CaC' = 30°
Tam giac ACC' vuong tai C c6 CC'= AC.tan30° =

4a3\/§

Khi do VABCAA’B’C’ = SABC'CC, = 3 .

2a\/§
3

Cau 19: (THPT Yén Lac-Vinh Phtic-lan 1-dé 2-nam 2017-2018) Cho hinh chép S.ABCD c¢6 day
ABCD 14 hinh vudng canh a. Biét SA4 L (ABCD) va SA=a+3. Thé tich ciia khéi chop

S.ABCD la:
3 3 3
A. a’3. B.‘“/g. g.“\/g. p. &
12 3 4
Léi giai
Chon C

Taco: h=SAd=a\3; B=S ., =d*.

3
V:lB.h:a\/g.
3 3

Céu 20: (THPT Yén Lac-Vinh Phiic-Ian 1-dé 2-nam 2017-2018) Cho khéi ling try ABC.A'B'C’ ¢6 thé
tich 1a V', thé tich ciia khdi chop C".4BC la:

A. 2V . B. Ly g.lr/. p. Ly
2 3 6
Loi gii
Chon C
Goi h 1a khoang cach tir C' dén mat phiang (4ABC) va B 1a dién tich tam giac ABC. Khi do,
1 1

thé tich lang try V' = Bh, thé tich khéi chép C".ABC 1a V., . = 5Bh .Dodé, V.. e = e

Céu 21: (THPT Yén Lac-Vinh Phtic-Ian 1-dé 2-nam 2017-2018) Thé tich cta khéi ling tru c6 dién tich
day bang B va chiéu cao bang & la:
A.V=Bh. B.Vleh. C.V:lBh. D.V:iBh.
3 2 3
Loi giai:
Chon A i )
Cong thire tinh the tich khoi lang tru la: V' =B.h.



Cau 22: (THPT Yén Lac-Vinh Phtic-1an 1-dé 2-nam 2017-2018) Cho khéi chop S.4BC, trén ba canh

S4, SB. SC 1an luot ly ba diém 4, B'. C' sao cho SA’:%SA, SB’=%SB, SC’=%SC.

Goi V' va V' lan luot 1a thé tich cta cac khoi chop S.ABC va S.A'B'C’. Khi @6 ti s6 % la:
1

B. L. C. 24. D. —.

A.12.
24

Chon D

B
V' S4'" SB' SC’

1
24"

Theo cong thic ti s6 thé tich khdi chop, ta duge: — = — lll
Vo S4 SB SC 234
Cau 23: (THPT Yén Lac-Vinh Phtic-Iin 1-dé 2-nim 2017-2018) Cho khdi ling try ding tam giac
ABC.A'B'C' ¢6 day la mot tam gidc vudng can tai 4, AC = AB=2a, goc gitta AC' va mat
phang (ABC) bang 30°. Thé tich khéi lang tru ABC.A'B'C’ 1a

3 3 2
A. 4"‘6. B. 4“‘/3. C. 2‘“6. D. 4“‘6.
3 3 3 3
Loi giai
Chon B
B' C'
A!
B C

Tacod AC 1a hinh chiéu vudng goc cia AC' 1én mit phang (ABC )

= (4C",(4BC))=Cac'=30°



Tam giac ACC" vudng tai C ¢6 CC'= AC.tan30° =

4a3\/§

Khi do Viscape = SABC‘CC, = 3

2a\/§
3

Cau 24: (THPT Yén Lac 2-Vinh Phiic-Ian 1-nam 2017-2018) Cho hinh chép tir gidc S.ABCD c6 day

ABCD 14 hinh vuéng canh a, canh bén S4 vudng gbc v6i mit phang day va S4 = a2 . Thé
tich ¥ ctia khdi chop 1a

V24 V24

B. V=

V24

C.V=v2d. D. V= .

AV =

6 4 3
Giai:

Chon D

Hinh ch6p S.4BCD c6 dudng cao S4 =a+/2 ; dién tich day: S ., =a>.
3
Thé tich cia hinh chép 1a 7 = %.SA.SABCD = %.a\/i a4 = */ET"

Cau 25: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nam 2017-2018) Tinh thé tich ¥ cta khéi 1ap phuong
ABCD.A'B'C'D' biét AC'=av/3.
a 364’

AV =d. B.V:T. C.V-= R D. V =334".

Loi giai

Chgn A
Taco AC'= AB\3 = AB\3=a\3 < AB=a.
Do d6 thé tich ¥ cta khdi lap phwong ABCD.A'B'C'D' 1aV =a’.
Cau 26: (THPT Nguyén Khuyén-Nam Dinh-Ian 1-nim 2017-2018) Kh&i da dién déu loai {4; 3} c6 bao

nhiéu mat?

A 4. B. 7. C. 8.

I
N

Loi gidi
Chon D

Khéi da dién déu loai {4; 3} 1a hinh lap phuong nén c6 sau mat.



Cau 27: (THPT Nguyén Khuyén-Nam Dinh-Ian 1-nam 2017-2018) V4t thé nao trong cac vat thé sau

khdéng phai khéi da dién?

YL
%

N
'Q

N

LN

C. D.
Loi giai
Chon C
Dua vao dinh nghia khéi da dién : Khéi da dién duge gidi han hitu han bai da giac thoa man
diéu kién :

Cau 28: Hai da giac bat ki khong c6 diém chung, hodc ¢6 1 diém chung hodc c6 chung 1 canh.
Ciu 29: Mbi canh cia da giac 14 canh chung ciia diing 2 da giéc.

Khdi da dién trong hinh C vi pham diéu kién tht 2 : ¢6 1 canh la canh chung cua 4 da giac.

Cau 30: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nam 2017-2018) Tinh d6 dai canh bén /¢ cla khéi lang

tru dirng c6 thé tich V' va dién tich day bang S:

A.fzﬂ. B.E:L. Q.Z:K. D.€:3—V.
S 28 S S
Giai
Chon C
Canh bén cling 1a dudng cao cua lang tru ding. Ta co:
V=(S<l= 14 .
S

Cau 31: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nam 2017-2018) Hinh da dién nao sau day khéng cé

mat phang doi xtrng?

Fo—m—fem =
-

N
N
1
1
1
1
’
7

A. Hinh lang try luc giac déu. B. Hinh lang tru tam giac.



C. Hinh chép tir gidc déu. D. Hinh 18p phuong.
Loi giai
Chon B
Cau 32: (THPT Hai Ba Trung-Vinh Phiic-IAn 1-nam 2017-2018) Trong cac khang dinh sau khang dinh
nao dung?

A. KhGi da dién déu loai { p; ¢} la khdi da dién déu cé p mét, g dinh.

B. Khéi da dién déu loai {p;q} la khi da dién 16i théa man mdi mit cla né la da gidc déu p canh va

mdi dinh clia né 1a dinh chung cla dung ¢ mat.
C. Khdi da dién déu loai {p;q} la khoi da dién déu cé p canh, ¢ mat.

D. Khéi da dién déu loai {p;q} la khoi da dién 16i thda man mdi dinh cla né 1a dinh chung cta ding

p mdtva mdi mit cha né 1a mot da gidc déu q canh.
Loi giai
Chon B
Theo dinh nghta khéi da dién déu trong sach gido khoa hinh hoc 12 co ban trang 15.

Cau 33: (THPT Viét Tri-Phtt Tho-lan 1-nam 2017-2018) Khai chép déu S.ABCD c6 mat day la
A. Hinh chir nhét. B. Hinh thoi. C. Hinh binh hanh. ~ D. Hinh vuong.
Lo giai
Chon D
Theo dinh nghia, khéi chép déu la khdi chép cé céc canh bén bang nhau va day |a da giac déu
Do dé, mat ddy cta khdi chdp tir gidc 13 hinh vuéng.

Cau 34: (THPT Viét Tri-Pht Tho-1an 1-nam 2017-2018) Cho hinh chép S.ABC c6 day ABC 1a tam giac
déucanh @, SA L (ABC) va SA =a~/3. Thé tich khdi chép S.4BC 1a

3 3 3 3
A B. L. c. 3% p. .
4 2 8 4
Loi giai
Chon D

2 3
Ta c6 thé tich ctia khdi chép S.ABC 1a V, ;. = %.SAABC.SA = % ? f a3 = “T.
Céu 35: (THPT Thach Thanh-Thanh Hoa-nim 2017-2018) Hinh bat dién déu c6 sb canh 1a
A. 6. B. 8. C.12. D. 10.
Loi gidi
Chon C . )
Hinh bat dién déu c6 so canh 1a 12.

Cau 36: (THPT Thach Thanh-Thanh Héa-niam 2017-2018) Cho céac khéi hinh sau:



Hinh 1 Hinh 2 Hinh 3 Hinh 4
MGdi hinh trén gdm mét s6 hiru han da giac phang (ké ca cac diém trong ctia né), sé da dién 16i
la:
A. 1. B. 2. C. 3. D. 4.
Loi giai
Chon B

HD: ¢6 hai khdi da dién 16i 1a: Hinh 1 va Hinh 4.
Cau 37: (TT Diéu Hién-Cin Tho-thang 10-nim 2017-2018) Cho hinh ling try dimg ABC.A'B'C’ ¢6
tat ca cac canh bang a . Tinh thé tich V' ciia khéi ling tru ABC.A'B'C".
3 3 3 3
aﬁ. B.V:‘“E. cr=2. Q.V:‘“/g.
2 3 2 4
Loi giai

A V=

Chon D

BI

a*\3

4

Pay lang tru 1a tam giac déu canh ¢ = S, =

N3 a3
PR .

Thé tich khdi lang try ¥ =

Cau 38: (TT Diéu Hién-Can Tho-thang 10-nam 2017-2018) Cho hinh chop tam gidc S.ABC c6 day

ABC la tam giac vudng tai B, AB=a, ACB = 60°, canh bén S4 vudng goc voi mat day va
SB hop v6i mit day mot goc 45°. Tinh thé tich V' ctia khdi chop S.ABC.

3 3 3 3
A.V:a\/g. B.v="_. C.V:a\/g. D.V:‘“/g.

18 2.3 9 6

Loi giai

Chon A



Taco SA L (ABC)
= AB 1a hinh chiéu vudng géc ciia SB 1én mit phang (ABC).

:(m)):@ =45° = tam giac SAB vubdngcantai A =>S4A=A4AB=a.

2
Tam gidc ABC vudngtai B c¢é BC = AB.cot60° = "33 =S e =%AB.BC =2 6\/3
3
Khi d6 thé tich khéi chép can tim 1 ¥ = %SABC SA= %

Cau 39: (TT Diéu Hién-Can Tho-thang 11-nim 2017-2018) Trong cac ménh dé sau, ménh d& nao
dang?
A. Ton tai mot hinh da dién c6 s6 canh bang s dinh.
B. S6 dinh va s mit cia mét hinh da dién ludn ludn béng nhau.
C. Tén tai hinh da dién c6 s canh va sb mat b@ing nhau.
D. Tdn tai mot hinh da dién c6 sb dinh va s6 mat béng nhau.
Loi giai
Chon D
Xét hinh tt dién, c6 4 mat va 4 dinh nén n6 co6 sd dinh va sd mat béng nhau.

Cau 40: (THPT Chuyén Vinh Phtic-lan 2-nam 2017-2018) Cho khéi lang try ding ABC.A'B'C' cb
BB'=a,ddy ABC |atam gidc vudng cantai B va AB =a.Tinh thé tich ¥ cla khéi lang tru d3 cho.

3 3 3

A =2 B.V=2_. c.r=2, D.V=4d
2 6 3
Loi gidi
Chon A
A C
B
B

3

Thé tich ctia khdi lang tru dimg ABC.A'B'C' 1a V = a.%a.a = % .



Cau 41: (THPT Chuyén Vinh Phtic-lan 2-nam 2017-2018) Cho khé&i chép t gidc déu cé canh ddy bang a,

canh bén bing 2a. Tinh thé tich V cla khéi chép da cho.

J24d° A J14a* Ji4a®

A V= B.V . C.V= . D. V= .
6 12 2 6
Loi giai

Chon D

S

IA’-I\___:L_ B
sk
D C

Goi ACNBD=0
Do S.ABCD 1a hinh chop déu nén SO 13 duong cao.

@ _la

Tacéd: SO=~SA* - AO* =,|4a’ -
2 2

Jiaa®

6

_ 2
b SADBC_a

Vay: V =

Cau 42: (THPT Quang Xwong-Thanh Hoéa-lan 1-nam 2017-2018) Cho hinh chép S-ABCD ¢4 day la

Cau 43:

hinh chit nhat v6i 4B =a,AD =2a,54vuong goc voi mit day va SA= a\3. Thé tich khbi
ch(')p S.ABCD b;:jng

3 3
A. a’\3. B. & f C. 2a°\/3. D. 203\6.

Loi giai

Chon D

1 1
V==8Sh= —.a.2a.a\/_ =
3 3

2a3\/§
3

(THPT Quing Xwong-Thanh Hoéa-lan 1-nam 2017-2018) Biét rang d6 thj ciia ham s
3 (a—3)x+a+2018

y= . (b N 3) nhan tryc hoanh lam ti€ém cén ngang va truc tung la tiém cén dung. Khi
dogidtricia a+b la
A 3. B. -3. Cc.0. D. 6.
Loi giai
Chon C
Lo (a—3)x+a+2018 o
Ta co: lim =a—-3 = y=a-3 latiém can ngang

T x—(b+3)
Ma d6 thi ham s6 nhan truc hoanh 1a tiém can ngang =>a-3=0<a=3
. (a—3)x+a+2018
lim
x—b+3 X—(b+3)

= o0 = @6 thi ham s6 nhan x = b +3 1am tiém can ding



D6 thi ham s6 nhan truc tung 13 tiém can ding = b+3=0<b=-3 =a+b=3+(-3)=0.

Cau 44: (THPT Binh Xuyén-Vinh Phiic-nam 2017-2018) Mot hinh ling try tam gidc déu cé bao nhiéu

mit phang d6i xting?

A. 3. B. 4. C.5. D. 6.
Loi giai

Chon B

Hinh lang tru tam giac déu c6 4 mat phang d6i ximg nhu hinh v&.

A A

Cau 45: (THPT Binh Xuyén-Vinh Phtic-nam 2017-2018) Trong cdc ménh dé sau, ménh dé nao dang?

Cau 46:

A. Khoi chop tir gide déu 1a khoi da dién déu loai{3;3} .
B. Khéi bat dién déu khong phai 1a khdi da dién 16i.
C. Lip ghép hai khdi hop ludn duoc mot khdi da dién 16i.
D. Ton tai hinh da dién c6 s dinh béng s6 mat.
Loi giai

Chon D
Khéi ttr dién déu c6 4 dinh va 4 mat.

(THPT Nguyén Dtwc Thuin-Nam Dinh-lin 1-nim 2017-2018) Cho ling try dung
ABC.A'B'C’' ¢6 day ABC la tam giac vuong tai 4; BC =2a; ABC =30°. Biét canh bén cua
lang tru bang 2a+/3 . Thé tich khéi lang tru la:

3

A. % B. 64°. C. 3d°. D. 24°3.
Loi giai:
Chon C
A’ C'
B'

B

Tam gidc ABC vuong tai 4 c6 AB = BC.cos ABC =2a.c0s30° = a3 ; AC=BC.sin30°=a.



1 1 a3

Hinh lang tru c6 chiéu cao 44’ = 2a~/3, dién tich day: S, ;- = EAB.AC = E.a.a 3= 3

a’\3
2

Thé tich khéi ling tru 1a: 7 =2a+/3. =3a’.

Cau 47: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Tinh thé tich cia mot khai lang try biét
khéi lang tru dé c6 duwdng cao bang 3a, dién tich mat day bang 4a”.
A. 124°. B. 4a’. C.124°. D. 4a°.
Lo gidi
Chon C
Ap dung cdng thirc thé tich khéi lang tru ta c6 duoc: V =S, h=4a"3a=12a’.

Cau 48: (THPT Tam Phudc-Dong Nai-lan 1-nam 2017-2018) Két ludn nao sau day vé tinh don diéu

s s v 2x+1
cua hamso y =

la dung?
A. Ham s nghich bién trén R .
B. Ham s6 dong bién trén mdi khodng (—o0;—1) va (—1;+).
C. Ham s6 dong bién trén R .
D. Ham s6 nghich bién trén R\ {-1} .
Lo gidi
Chon B

Ham s& y:2x+1 xac dinh trén D=R\{-1} va c6 y':;z>0 VxeD.
x+1 (x+1)

Do d6, ham s6 déng bién trén mdi khoang (—o0;—1) va (—1;+w).

Cau 49: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Tinh thé tich cla mét khéi lang tru tam
giac déu ABC.A'B'C' c6 AC' =5a day la tam giac déu canh 4a.
AV =124 B. V =204’ C. V =20a°/3. D. V =124°/3.
Loi gidi
Chon D

Ar Cr

Trong AACC" vuong tai C.



AC* +CC"” = AC” & CC™ = AC” = AC* < CC' =3a.
Vay Ve e = CC'Sy e = 3a.(4a)’ .g =124°\3.

Cau 50: (THPT Hau Loc 2-Thanh Hoéa-an 1-nam 2017-2018) Trong cac khdi da dién sau, khdi da dién nao
6 s6 dinh va s& mat bang nhau?

A. Khbi 1ap phuong. B. Khéi bat dién déu.

C. Khéi mudi hai mat déu. D. Khéi tir dién déu.
Loi giai

Chon D

Khéi tir dién déu c6 bén mit va bén dinh.
Cau 51: (THPT Hau Loc 2-Thanh Hoéa-an 1-nam 2017-2018) M6t khéi lang tru tam gidc c6 thé phan chia it
nhat thanh n khdi t& dién cé thé tich bang nhau. Khang dinh nao sau day la dung?

A.n=3. B. n=6. C.n=4. D. n=8.
Loi giai
Chon A

Cau 52: (THPT Chuyén Lam-Thanh Héa-Ian 1-nam 2017-2018) Tim s6 mit cua hinh da dién & hinh

vé bén:

A. 11. B. 10. C.12. D. 9
Loi giai

Chon D

Quan sat hinh da dién d3 cho ta dém duoc tit ca c6 9 mit.
Cau 53: (THPT C6 Loa-Ha Noi-Ian 1-nawm-2018) C6 bao nhiéu loai khdi da dién déu?
A. V6 sb. B. 2. C.3. D. 5.
Loi giai
Chon D
Duya vao dinh 1y khéi da dién déu.



Cau 54: (THPT Chuyén Lé Hong Phong-Nam Dinh-Ian 2 nim 2017-2018) C6 bao nhiéu loai khéi da dién
déu ma mdéi mat ctia né 1a mot tam giac déu?

A. 3. B. 1. C.5. D. 2.

Loi giai
Chon A
C6 ba loai khéi da dién déu ma mdi mat cia nod 1a mot tam giac déu 1a: khéi tor dién déu, khbi
bat dién déu va khbi hai muoi mat déu.
Cau 55: (THPT Chuyén Lé Hong Phong-Nam Dinh-lan 2 nam 2017-2018) Mdi dinh cta hinh da dién
1a dinh chung cua it nhit bao nhiéu mat?

A. Nam mit. B. Ba mat. C. B&n mat. D. Hai mat.

Loi giai
Chon B
MB&i dinh cua hinh da dién 1a dinh chung cia it nhit ba mit nén Chon B

Cau 56: (SGD Vinh Phiic-KSCL 1an 1 nam 2017-2018) Léng tru déu 13 lang tru

A. C6 tat ca cac canh bang nhau.
B. C6 déy la tam giac déu va cac canh bén vudng goc voi day.
C. Pung va c6 day 1a da giac déu.
D. C6 day 1a tam giac déu va cac canh bén bang nhau.
Lo giai
Chon C
Theo dinh nghia vé lang tru déu, ta chon dap an C.

Cau 57: (SGD Vinh Phtc-KSCL 1an 1 nam 2017-2018) Cho lang tru tam gidc déu ABC.A'B'C’ c6 tat ca cac
canh bdng a . Thé tich khéi ling tru ABC.A'B'C’ la:

3 3 3 3
A.a\/g. g.a\/g. c L. p. L.
12 4 12 4
Lo gidi
Chon B

ENPNG

Thé tich khéilang trula V' =S ,,.. 44" <V =a. 2 2

Cau 58: (SGD Vinh Phtc-KSCL 1an 1 nam 2017-2018) Cho hinh chép t& gidc S.ABCD c6 day ABCD la
hinh vuong canh av/3, S4 L (ABCD) va SA = a+/6 . Thé tich ciia khGi chop S.ABCD la.

3 3
A.a\/g. B. a°\6 . C. 3. D.a\/g

3 2

Loi giai
Chon B



Tacd S ;0 =(ax/§)2 =3a’.

1 1

vay V¢ ipep :E'SA'SABCD =§.a\/g.3a2 = a’ 6.

Cau 59: (SGD Vinh Phiic-KSCL 1an 1 nam 2017-2018) Né&u khong st dung thém diém nao khac ngoai cac
dinh cda hinh 1ap phwong thi cé thé chia hinh I4p phuong thanh

A. Bén tir dién déu va mot hinh chop tam giac déu.
B. Nam hinh chép tam gidc déu, khong c6 tir dién déu.
C. Mot tir dién déu va bdn hinh chop tam giac déu.
D. Nam tir dién deu.

Loi giai
Chgn A

D’ o
Hinh chép tam giac déu la ACB'D' .
Bén tir dién déu la D.ACD', C'.CB'D', B.ACB' A'.AB'D'.

Cau 60: (THPT Luc Ngan-Béc Ninh-lan 1 nam 2017-2018) Trong mét hinh da dién, mdi canh la canh chung
cla ddng bao nhiéu mat?

A. Khéng c6 mat nao. B. 3 mat. C. 4 mat. D. 2 mat.

Lo gidi



Chon D
Mdi canh cta khéi da dién 1a canh chung clia 2 mit.

Cau61: (THPT Luc Nge_m-Béc Ninh-1an 1 nam 2017-2018) Khéi lap phuong thudc loai khdi da dién nao?
Chon cu tra |&i dang.

A. {3;3}. B. {4;3}. C. {3;4}. D. {5;3}.
Loi giai:
Chon B
Ciu 62: (THPT Luc Ngan-Béc Ninh-lan 1 nam 2017-2018) Cho mét hinh da dién. Khing dinh nao sau day
sai?
A. Mdi mit ¢6 it nhat 3 canh. B. Mdi dinh 1a dinh chung cua it nhét 3 canh.
C. Mdi dinh 1a dinh chung cua it nhét 3 mat. D. Mdi canh 1a canh chung cua it nhét 3 mat.
Loi giai
Chon D
Xét tir dién
\
\
\
EEE
L4
5 //

Quan sat duong t6 dam, ta thdy canh d6 chi c6 hai mat.
Do d6, khang dinh D sai.

Céu 63: [2H1 — 2] (THPT L& Vin Thinh-Bic Ninh-lan 1 nim 2017-2018) Cho hinh chép [ c6 day I
12 hinh binh hanh. [ 1a trung diém [ val 1a trong tAm cia tam giac . Goill ,] 1an hrot
1a thé tich ciia cac khodi chép [ val , tinh ti sé 1

Al . B.0. C.0. D.I
Loi giai

0

Chon A

Cach 1:

Goill 1a thé tich khoi chop [l .
Tacol .

Mitkhacl [0 0.

DE thayl ;1 .

Vayl .

Suy ra,ll .

Cach 2:

0



Ciu 64: (THPT Lé Vin Thinh-Bic Ninh-lin 1 nim 2017-2018) Trong cac ménh dé sau, ménh dé nao
dung? S4 céac dinh hodc cac mit cua bat ki hinh da dién nao cling

A. 16n hon hoic bang 4 . B. 16n hon 4.

C. 16n hon hoic bang 5. D.16nhon 5.
Loi giai

Chon A

Do ba diém bt ki déu dong phiang nén dap an dung 1a A. Ma tir dién 1a khdi da dién c6 sé dinh
va sd mat déula 4.

Cau 65: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) M6t hinh da dién c6 tdi thiéu bao nhiéu dinh?
A. 3. B. 5. C.6. D. 4.
Loi giai
Chon D
Mot hinh da dién c6 tdi thiéu 4 dinh.

Ciu 66: (THPT Triéu Son 3-Thanh Héa nim 2017-2018) Khdi chop c¢6 mét nira dién tich day 1a S,
chiéu cao 1a 2/ thi c6 thé tich la:
A.V=S8h. B.VzlS.h. Q.VziS.h. D.VzlS.h.
3 3 2
Lo gidi
Chon C

Taco: V :lB.h :1.25.211 :iS.h .
3 3 3

Cau 67: (D@ tham khao BGD nam 2017-2018) Thé tich cta khdi chdp c¢6 chidu cao bang £ va dién tich day

bang B 1a
A.Vleh. B.Vleh. C.V=Bh. D.Vleh.
3 6 2
Loi giai
Chon A

Thé tich ctia khdi chép co chiéu cao bang 4 va dién tich day bang B 1a V = %Bh .



Céu 1: (THPT Triéu Son 1-I4n 1 nam 2017-2018) Hinh da dién nao dudi day khong c6 tdm ddi xiung?

A. Bt dién déu. B. Tt dién déu.

C. Ling try luc giac déu. D. Hinh 1ap phuong.
Loi giai

Chon B

Trong cac hinh da dién trén, chi c6 tr dién khong c6 tdm ddi xing.
Cau 2: (THPT Chuyén Vinh Phtic-MD 903 Iin 1-nim 2017-2018) Cho hinh chép tam gidc déu
S.ABC ¢6 canh dy bing a va chidu cao hinh chép 1a a2 . Tinh theo a thé tich ¥ ciia khéi

chop S.4BC.
3 3 3 3
A.V=“‘/g. B.V=‘“/€. cv=%. D.V=a‘/g.
12 4 6 6
Loi giai
Chgn A

a*\f3
7

Tam gidc ABC déu c6 canh ddy bang a nén S, . =

Vs.anc ZE-T-‘I = 2
Cau 3: (THPT Chuyén Vinh Phic-MD 903 Iin 1-nam 2017-2018) Sé dinh cta hinh muoi hai mat déu
la:
A. Ba muoi. B. Muoi sau. C. Muoi hai. D. Hai muoi.
Loi giai
Chgn A

Hinh mudi hai mat déu c6 sb dinh 12 20 (SGK HH12).
Cau 4: (THPT Chuyén Vinh Phic-Ian 1 MP 904 nam 2017-2018) Cho khéi chép S.ABCD co day
ABCD 14 hinh vudng canh a, S4=3a va S4 vudng goc véi day. Thé tich khdi chop

S.ABCD 1a.
3
A 4. B. 34°. C. % D. 6a°.
Loi giai
Chon A
* Dién tich day S ., =a’.

* Thé tich khdi chop: V = %SA.SABCD = %3a.a2 =a .



Ciu 5: (THPT Kim Lién-Ha No6i nam 2017-2018) Khéi da dién c6 mudi hai mat déu co sb dinh, sb
canh, s6 mit 1an luot la:
A. 30, 20, 12. B. 20, 12, 30. C. 12, 30, 20. D. 20, 30, 12.
Loi giai
Chon D
Cau 6: (THPT Kim Lien-Ha Noi nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD 1a hinh
vuong. Biét hai mat phang (SAB) va (SAD) cung vuong goc voi mat day. Hinh chop nay co
bao nhiéu mit phiang d6i xtimg?
A. 4. B. 1. C.0. D. 2.
Loi giai
Chon B
Theo gia thiét hai mat phang (SAB) va (SAD) cung vudng goc voi mat day suy ra
SA4 1 (ABCD). Mat khac day ABCD 1a hinh vudng nén hinh chop S.ABCD chi c6 mot mét
phang dbi xtmg 1a (SAC).

Cau 7: (THPT Kién An-Hai Phong nim 2017-2018) Cho khdi hop chir nhat ABCD.A'B'C'D' ¢6 thé tich
¥ . Ménh dé nao sau dy dung?

A.V =AB.BC.AA'. B. V= %AB.BC.AA' . C.V=ABAC.AA'". D.V =AB.AC.AD.
Loi giai
Chon B
D’ o
A : B,
I
ORI T ¢
A B
Taco V=_Sh.

Trong d6 S =S, = AB.AD = AB.BC va h=AA".
Vay V = AB.BC.AA4' 1a ménh dé ding.

Ciu 8: (THPT Kién An-Hai Phong nim 2017-2018) Cho hinh chép S.4ABC c6 day la tam giac déu canh
bang a, canh bén SB vudng goc voi mit phang (ABC ), SB =2a . Tinh thé tich khdi chop

S.ABC.
3 3 3 3
AL g.‘“/g. c. % D.‘“/g.
4 6 4 2

Loi giai
Chon B



Thé tich khéi chop S.4BC 1a: V =—-.5,,..SB =

!
37 4 6

Ciu 9: (THPT Chuyén Lwong Van Tuy-Ninh Binh lin 1 nam 2017-2018) Hinh da dién sau c6 bao
nhiéu mat?

A.11. B. 20. C.12. D. 10.
Loi giai

Chon A

Dua vao hinh vé ta théiy hinh da dién trén c6 11 mat.

Céu 10: (THPT Chuyén Lwong Vian Tuy-Ninh Binh lan 1 ndm 2017-2018) The tich ctia khoi lang try
tu giac déu ABCD.A'B'C'D' ¢6 tat ca cac canh bang a 1a
a3 a*\3
2 4

A.3a’. B. . C.a. D.
Loi giai

Chon C




Khdi lang try tir gidc déu c6 tat ca cac canh déu bang a 1a khdi 1ap phuong canh a nén thé tich
V=a.

Cau 11: (THPT Chuyén Tran Pha-Hai Phong Ian 1 nim 2017-2018) Khdi da dién déu c6 12 mit thi
¢6 sb canh la:
A. 30. B. 60. C. 12. D. 24.
Loi giai
Chgn A
Khoi da dién déu cé 12 mit la khoi da dién déu loai {5;3} thi c6 s6 canh 1a 30.

Cau 12: (THPT Poan Thuong-Hai Dwong-lan 2 nam 2017-2018) Cho khdi chép tam giac déu. Néu
tang canh day 1én hai lan va giam chiéu cao di bon lan thi thé tich cta khdi chop dé sé:
A. Khong thay doi. B. Tang lén hai lan. C.Giamdibalan.  D. Giam di hai lan.

Loi giai
Chon A

Néu ting canh day 1én hai lan thi dién tich day tang bon lan. Vi giam chiéu cao di bon lan nén
thé tich khdi chop khong thay doi.
Ciu 13: (THPT Doan Thugng-Hai Dwong-lan 2 ndm 2017-2018) Trong cac ménh dé sau, ménh dé nao
ding?
A. Hai khdi lang try c6 chiéu cao bang nhau thi thé tich bang nhau.
B. Hai khdi da dién c6 thé tich bang nhau thi bang nhau.
C. Hai khéi chop c6 hai day 1a hai da giac bang nhau thi thé tich bang nhau.
D. Hai khoi da dién bang nhau thi thé tich bang nhau.
Loi giai
Chon D
+ Phuwong 4n A sai vi hai khdi ling tru ¢6 chiéu cao bang nhau nhung dién tich day chwa bang
nhau thi thé tich khong bang nhau.
+ Phwong 4n B sai vi hai khdi da dién c6 thé tich bang nhau nhung c6 thé d6 1a mot khéi chop
va mot khoi lang tru nén hai khdi d6 khong bang nhau.
+ Phwong 4n C sai vi hai khbi chop c6 day bang nhau nhung chiéu cao chua bang nhau thi thé
tich khong bang nhau.
+ Phwong 4n D ding theo khai niém thé tich khoi da dién “ Néu hai khoi (H,) va (H,) bang

nhau thi V(Hl) =V(H2) .

Cau 14: (THPT Doan Thuong-Hai Duong-Ian 2 nam 2017-2018) Cho khdi tir dién 4BCD. Lay diém
M ndm gitta 4 va B, diém N ndm gilta C va D. Bang hai mit phiang (CDM ) va (ABN),

ta chia khoi tr dién d6 thanh bdn khéi tir dién nao sau day?

A. MANC, BCDN, AMND, ABND. B. MANC, BCMN , AMND, MBND .
C. ABCN, ABND, AMND , MBND.. D. NACB, BCMN , ABND, MBND .
Loi giai

Chon B



(&
Biéng hai mat phang (CDM ) va (ABN), ta chia khoi ttr dién d6 thanh bén khoi tir dién:
MANC, BCMN , AMND , MBND .

Céu 15: (THPT Poan Thuwong-Hai Dwong-lan 2 nim 2017-2018) Khéi da dién déu loai {3;5} 1a khoi
A. T dién déu. B. Hai muoi mit déu. C. Tam mat déu. D. Lap phuong.
Loi giai
Chon B
Theo SGK Hinh hoc 12 trang 17 thi khoi da dién déu loai {3;5} 1a khdi hai muoi mit déu.

Cau 16: (THPT Ha Huy Tap-Ha Tinh-Ian 1 nim 2017-2018) Cho khéi lang tru ding ABC.A'B'C’ c6
BB'=a, ddy ABC la tam giac vudng cin tai B va BA=BC =q. Tinh thé tich ¥ cua khoi
lang tru da cho.

3 3

3
AV =d . B. V=%, c.r=%, Q.V:%.

Chon D
A!

BI

3
Thé tich khéi lang try V =S ,..BB' = %BA.BC.BB’ = % .

Céu 17: (THPT Triéu Thi Trinh-Ian 1 niam 2017-2018) M6t khéi lang tru c6 chiéu cao bang 2a va dién
tich day bang 24*. Tinh thé tich khdi ling tru.

3 2 3
AV =44, BV =% c.y=3 da”
3 3 3

Loi giai
Chon A



Thé tich khoi lang tru V =24’ 2a = 4a’ .

Cau 18: (THPT Triéu Thi Trinh-Ian 1 nam 2017-2018) Hay chon cum tir (hodc tir) cho dudi day dé sau
khi dién n6 vao chd tréng ménh dé sau tré thanh ménh dé dang: “S canh cua mot hinh da dién

luén .................. s6 dinh cta hinh da dién ay.”

A.16n hon hodc bang.  B. bang. C. 16n hon. D. nhé hon.
Loi giai

Chgn C

Céu 19: (THPT Triéu Thi Trinh-Ian 1 nam 2017-2018) Khdi lap phuong c6 dién tich toan phan bang
150cm? . Thé tich ctia khéi 1ap phuong d6 bang:
375V3 cm’. C. 125¢m’. D. 375V3

8 8
Loi giai

A. 125cm’. B. cm’.

Chon A
Goi a >0 la d¢ dai canh cua lap phuong.
Dién tich toan phan ciia hinh 1ap phuong 1a S, = 6a’ =150. Suyra a=5cm.

Vay thé tich khdi 1ap phuong 1a V = a* =125em’.

Céu 20: (THPT Triéu Thi Trinh-Iin 1 nim 2017-2018) Mot khdi chép c6 dién tich day bang 342 va
thé tich bang /50 . Tinh chiéu cao cta khdi chop do.
A. 10. B.é. C.&. D. 5.
3 3
Loi giai
Chon D

Hinh chép c6 dién tich day 14 S, chiéu cao 4 c6 thé tich1a ¥ = %Bh

Suy ra h:z:@:5
s 32
Cau 21: (THPT Triéu Thi Trinh-lan 1 nam 2017-2018) Hinh hop dirng day 1a hinh thoi c¢6 bao nhiéu
mit phing d6i xtmg?
A. 3. B. 2. C. 4. D. 1.
Loi giai
Chgn A

‘._-_-_-_ -




Cau 22: (THPT Lwong Thé Vinh-Ha N6i nam 2017-2018) Hinh v& bén dudi c6 bao nhiéu mat

A. 10. B. 7. C.9. D. 4.

Chgn C
Tur hinh v€ 1 suy ra c6 9 mat.

Cau 23: (THPT Ditc Tho-Ha Tinh-lan 1 nam 2017-2018) Cho hinh chép S.ABC c6 day ABC la tam
giac vuong tai 4 v61 AB=a, AC=2a canh S4 vudng goc vdi (ABC) va SA=a~/3. Tinh
thé tich khdi chop S.4BC.

3 3 3
A.‘“/g B. &’\3 C.‘“/g Q.“‘B.
4 6 3
Loi giai
Chon D
3
Taco, Vy e = éSA.AB.AC =2 f .

Ciu 24: (THPT Thang Long-Ha Ni-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c6 ddy ABCD la
hinh chit nhat, hai mat phing (SAB) va (SAD) cung vudng goc véi ddy, biét dién tich day
bang m . Thé tich ¥ cua khdi chép S.ABCD la:

A. Vzlm.SA. B. Vzlm.SB. C. Vzlm.SC. D. Vzlm.SD.
3 3 3 3
Loi giai
Chgn A



(S4B) L (ABCD)
(SAD) 1 (ABCD) =841 (ABCD) suy ra S4 1a duong cao khdi chop S.ABCD .
(SAB)N(SAD) =54

Do d6 thé tich khéi chop S.ABCD: V = %m.SA .

Cau 25: (THPT Thang Long-Ha N6i-lan 1 nam 2017-2018) Cho t& dién OABC ¢6 OA, OB, OC ddi
mot vuong goc va OA=a, OB=b, OC =c. Tinh thé tich khoi t dién OABC.

A. abc. B.a_bc. ga_bc D'a_bc‘
3 6 2
Loi giai
Chgn C
C
O\ B
a
A
1 acb

Thé tich khi t&r dién OABC: V = gOA.OB.OC =

Ciu 26: (THPT Thang Long-Ha Ni-lan 1 nam 2017-2018) Cho hinh lang tru dimg ABC.A'B'C’ ¢6
tam giac ABC vuongtai A, AB=AA'=a, AC =2a. Tinh thé tich khoi lang tru da cho.
3 3
AL B. 2% C. a. D. 24°.
3 3
Loi giai
Chon C



g\ |~ c’

Ling try ding ABC.A'B'C' = AA4' 1 (A4BC).
Tacd V=Bh= %AB.AC.AA' = %a.Za.a =a.

Cau 27: (THPT Thang Long-Ha N6i-lan 1 nam 2017-2018) Cho hinh 14p phwong ABCD.A'B'C'D’ ¢6
d6 dai canh bang 10. Tinh khoang cach giita hai mat phang (ADD'A") va (BCC'B').

A. V10. B. 100. C. 10. D. 5.
Loi giai
Chon C
A’ D’
, q
|
|
B’ i :
! C
|
I
Ayl L D
B : C

Ta c6 (ADD'A')//(BCC'B') = d ((ADD'A");(BCC'B')) = d (4;((BCC'B'))) = AB=10.

Cau 28: (THPT Chuyén Thai Binh-Ian 2 nim hoc 2017-2018) Trong cac ménh dé sau, ménh dé nao sai:
A. Khdi tir dién 1a khéi da dién 16i.
B. Lap ghép hai khdi hop sé& duoc mot khdi da dién 10i.
C. Khéi lap phuong 1a khéi da dién 16i.
D. Khbi lang try tam giac 1a khdi da dién 16i.
Loi giai

<<

Vi du: hai cai hinh lap phuwong c¢6 chung 1 canh dé minh hoa d6 khong phai 1a da dién 10i vi
khong thoa man diéu kién: Poan théng ndi hai diém bat ki cua khdi da dién (H ) luén thudc

(H).

Chon B



CAau 29: (THPT Yén Lac-Vinh Phiic-1in 3 nam 2017-2018) S6 dinh ciia mot hinh bat dién déu 1a
A 12, B. 8. C. 14. D. 6.
Loi giai

Chon D

Hinh bat dién déu c6 sau dinh.

Ciu 30: (SGD Bac Ninh nam 2017-2018) Thé tich cia khdi 1ap phuong c6 canh bang 2.
8

A. 4. B.g. C.6. D. 8.

Loi giai
Chon D
Khdi 1ap phuong ¢ canh bang a c¢o thé tich ¥V =4°.
Thé tich khoi lap phuong c6 canh bang 2 1a ¥ =8.

Cau 31: (SGD Bac Ninh nam 2017-2018) Cho khdi chép S.ABCD c¢6 day ABCD 1a hinh vudéng canh
a.Biét S4 vuong goc v6i (ABCD) va SA= a3 . Thé tich cua khdi chép S.4BCD la:

3 3 3
A.“ﬁ. B.“ﬁ. c. L. D. a’\3.
6 3 4
Loi giai
Chon B

1 a3\/§

Thé tich khéi chop Vi e = 5SABCD SA= 3

Cau 32: (SGD Bic Ninh nam 2017-2018) Cho hinh ling tru 4BC.A'B'C’ ¢6 thé tich 1a V. Goi M 1a
diém thudc canh CC’ sao cho CM =3C'M . Tinh thé tich V' ctia khdi chop M.ABC



ENEIN
E
~
o=

Chon A

sole
}il

Goi H, K lan luot 1a hinh chiéu vuéng goc ciia C' va M 1én mit phang (ABC )

Tacé C'H /| MK :@:C—Mzé.
cCc' cc' 4
a, 1 13, V
Khi d6 VMABCZSMK'SABC QVM'ABCzE'ZCC ‘SABC:Z‘

Ciu 33: (SGD Ninh Binh nam 2017-2018)Ménh dé nao dudi day sai?
A. Hai khéi hop chit nhat c6 dién tich toan ph:?m bang nhau thi ¢6 :[hé tich bang nhau. ‘
B. Hai khoi lang tru c6 dién tich ddy va chiéu cao twong ing bang nhau thi c6 thé tich bang
nhau.
C. Hai kh(f)i lap phuong c6 dién tich toan phan bang nhau thi co thé tich bang nhau.
D. Hai khdi chop c6 dién tich day va chi€u cao tuong ting bang nhau thi c6 thé tich bang nhau.
Loi giai
Chon A

Cau 34: (THPT Chuyén Ha Long-Quang Ninh-lan 1 nam 2017-2018) Hinh da dién bén ¢6 bao nhiéu
mat?

A. 11. B. 12. D. 7.

Huéng din giai

Chgn C
Hinh da dién bén c6 10 mat.



Cau 35: (THPT Chuyén Ha Long-Quang Ninh-Iin 1 nam 2017-2018) Cho khdi ling tru c6 thé tich
¥, dién tich day 14 B va chiéu cao 4. Tim khang dinh dling?

A.V=Bh. B.VzéBh. C.V=~Bh. D. V =3Bh.

Huéng din giai
Chgn A
Theo cong thirc tinh thé tich khdi ling tru ta c6 V = Bh.

Cau 36: (THPT Chuyén Phan B6i Chau-Nghé An- lan 1 nam 2017-2018) Cho hinh chép S.4ABC c¢6
SA vudng goc voi day. Tam gidc ABC vudng can tai B, biét SA= AC =2q . Tinh thé tich
khdi chop S.ABC.

A. %cf. B. %a3. C. %cf. D. gcf.
Loi giai
Chgn A

Taco AB=BC=2C_2%_ /7.

NRNC

Thé tich khéi chop S.ABC 1a V = ; S po-SA=

Céu 37: (THPT Chuyén Qudc Hoc-Hué nim 2017-2018) Hinh da dién nao duéi day khong c6 tam doi

xung ? . .

A. Hinh lang tru tu giac deu. B. Hinh bat dién déu.

C. Hinh tir dién déu. D. Hinh lap phuong
Loi giai

Chon C

Ta c6 phép ddi xtmg tam I bién hinh (/) thanh chinh né. Khi d6 hinh () cé tam déi ximg la
I suy ra hinh lang tru t&r giac déu, hinh bat dién déu va hinh 1ap phuong la cac hinh da dién c6
tam d6i xung.

Cau 38: (THPT Chuyén Qudc Hoc-Hué nam 2017-2018) Khéi lang tru ngii giac co tat ca bao nhiéu

canh ?

A. 20. B. 25. C. 10. D. 15.
Loi giai

Chon D

Hinh vé.



c

Cau 39: (THPT Chuyén Qudc Hoc-Hué nim 2017-2018) Hinh bat dién déu c6 tit ca bao nhiéu mat
phang d6i xtmg ?
A5, B. 6. C.9.

Chgn C

Cau 40: (THPT Chuyén Qudc Hoc-Hué nim 2017-2018) Mot hinh chép c6 day 1a tam gidc déu canh
bang 2 va c6 chi€u cao bang 4. Tinh thé tich hinh chop dé.

A 4. g.#. C. 243. D. 2.
Loi giai
Chon B

Ta c6 dién tich tam giac déucanh 2 1a S = %.2.2.sin 60° = \/§

Thé tich cita khdi chop 1a 7 = %.\/3 4= g.

Cau 41: (THPT Chuyén Quéc Hoc-Hué nim 2017-2018) Trong khong gian, cho hai diém 4, B cb
dinh, phan biét va diém M thay d6i sao cho dién tich tam giac MAB khong d6i. Trong cac
ménh dé sau, ménh dé nao diang ?

A. Tap hop cac diém M 1a mot mat phflng. B. Tép hop cac diém M 12 mot mat tru.
C. Téap hop cac diém M 1a mot mat non. D. Tap hop cac diém M 1a mot mat cau.
Loi giai
Chon B
Do hai diém A4, B cb dinh nén khoang cach giira hai diém 4, B c¢b dinh.
Ma dién tich tam gidic MAB khong doi nén khoang cach tir M dén doan thing 4B khong
d6i= Tap hop cac diém M trong khong gian cach doan thang 4B mot khoang khong doi 1a
mot hinh truy.

Ciu 42: (THPT Chuyén Thai Binh-1an 3 ndm 2017-2018) Khdi mudi hai mit déu cé bao nhiéu canh?

A. 30 canh. B. 12 canh. C. 16 canh. D. 20 canh.



Huéng din giai
Chgn A
Khoi muoi hai mat déu c6 20 dinh, 30 canh va cac mat 1a nhiing ngii giac déu.
Cau 43: (THPT Chuyén Thai Binh-lan 3 nam 2017-2018) Thé tich ctia khdi cau ngoai tiép bat dién déu
¢6 canh bang a 1a:

Brd’ 2rzd 2rzd’ 8\V2ra®

B. . C. . D. .
3 6 - 3 3

Huéng din giai

A.

Chon C

S’

Gia st hinh bat dién déu nhu hinh v&. khi d6 Ban kinh mit cau R = SO =+/S4> — 04> .

= R= a2_202 :a\/i
4 2

NGy T

Thé tich cua khéi ciu V = gﬂ'R3 = 3

Cau 44: (THPT Chuyén Vinh Phic - 1an 3 nam 2017-2018) Téng s6 dinh, sb canh va s6 mit cua hinh

1ap phuong la

A. 16. B. 26. C.8. D. 24.
Loi giai

Chon B

Hinh 1ap phuong c6 8 dinh, 12 canh va 6 mat.
Vay tong so dinh, so canh va s6 mat cua hinh lap phuong 1a 26.
Ciu 45: (THPT Chuyén Vinh Phic-Ian 3 MD 234 ndm hoc 2017-2018) S6 dinh cua mot hinh bat dién

déu la:
A. 6. B. 8. C.12. D. 4.
Huwéng din giai
Chgn A
A X n=3p=4 n.M
Bat dién déu c6 dang {3;4} = =D=—"—=6.
M =4 p

CAu 46: (THPT Hong Quang-Hai Duwong nam 2017-2018) Hinh mudi hai mit déu c6 bao nhiéu canh ?
A. 30. B. 20. C. 12. D. 18.
Loi gidi



Chon A
Cau 47: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho mdt hinh lang tru ¢6 dién tich mat day

la B, chiéu cao bang /4, thé tich bang ¥ . Khang dinh nao sau day diing ?

A.V=Bh. B.V:%Bh. C.V =3Bh. D. V=~Bh.

Loi giai
Chgn A

Ciu 48: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho mét hinh chép S.4BCD c6 day
ABCD 1a hinh vuoéng canh a, canh bén SA4 vudng goc voi day, SA=2a, thé tich cua khéi
chop 1a 7 . Khang dinh nao sau day dang ?

A V=24 B.V=2d. C.V=%a3. D.V=d.

Loi giai

Ta co: Vz%'SABCD'SA =—a .

CAu 49: (THPT Kinh Mén 2-Hai Dwong nam 2017-2018) Cho hinh chép c¢6 dién tich mit ddy 1a 3a”
va chiéu cao bang 24 . Thé tich ctia khdi chop bang
A. 6a’. B. 24°. C.3a’. D.a.
Loi giai
Chon B

Taco V :%Sd.h :§3a2.2a =24’.

Céu 50: (THPT Kinh Mo6n 2-Hai Dwong nam 2017-2018) Cho hinh lang tru dtng ABCD.A'B'C'D' ¢6
day 1a hinh thoi, biét 44’ =4a, AC =2a, BD =a . Thé tich ctia khdi ling tru la
3
A. 24°. B. 84°. C. 8% D. 4d°.
Loi giai
Chon D
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Taco S, =%AC.BD —a>; V=8,44' = d* 4a=4d’.

Cau 51: (THPT Lé Hoan-Thanh Héa-lIan 1 nam 2017-2018) Cho hinh ling tru dimg ABC.A'B'C’ c6
day la tam giac déu canh a, canh bén A4’ = a\/z . Thé tich ctia khdi lang tru 1a

3 3 3 3
A.“\/g. B. 2% C.“‘/g. D."‘/g.
4 4 12 12

Loi giai

Chon B

NG

Taco V=Bh=S§ .44 =a2. } y

Céu 52: (THPT Lé Hoan-Thanh Héa-I4n 1 nim 2017-2018) Néu mot khéi lang tru c6 dién tich day 1a
B vachiéu cao 4 thi thé tich V' ciia né dugc tinh theo cong thirc ?

A.V=Bh. B. V =3Bh. C.VzéBh. D.VzéBh.

Loi giai
Chon A
Theo kién thirc co ban thi V' = Bh .

Céu 53: (THPT Lé Hoan-Thanh Héa-I4n 1 nim 2017-2018) Thé tich khéi lap phuong c6 canh 3a la:
A. 24°. B. 274°. C. 8a’. D. 3a’.
Loi giai
Chon B
Thé tich khoi 1ap phuong c6 canh 3q la: V = (3ar)3 =27a’.

Cau 54: (THPT Ninh Giang-Hai Duong nam 2017-2018) Hinh da dién déu c6 tat ca cic mat 14 ngii
giac c6 bao nhiéu canh?



A. 60. B. 20. C.12. D. 30.
Loi giai

Chon D . .

Khoi muoi hai mat déu c6 20 dinh, 30 canh va cac mét 1a nhiing ngii giac déu.

Céu 55: (THPT Tran Qudc Tuidn nim 2017-2018) Cho khdi lap phuong ABCD.A'B'C'D' c6 thé tich

¥V = 1. Tinh thé tich ¥; cta khdi lang tru ABC.A'B'C’.

AV =L, B.V, =1, C.v=1. D. V=2,
3 2 6 3

Huéng din giai
Chon B
Khéi lap phuong ABCD.A'B'C'D’ va khéi ling tru ABC.4'B'C’ ¢6 cing chiéu cao ma
1

1 " 1
SABC :ESABCD nen Vl :EVZE-

Cau 56: (THPT Tran Quéc Tuan nam 2017-2018) Cho hinh chép S.ABCD c¢6 day la hinh vudng

ABCD canh a, canh bén S4 vudng goc voi mit phang day. Biét S4 =3a, tinh thé tich ¥ cta
khdi chop S.ABCD .

3

AV =d. B.V =2a". C.V=3d. D.Vz%.

Huwéng din giai

Chgn A

1 1
V= E‘SA'SABCD = §.3a.a2 =a.

Cau 57: (THPT Trian Quéc Tuin nam 2017-2018) Khéi chép S.ABCD co tat ca cac canh bang nhau va

c6 thé tich bang % . Tinh canh cta khéi chop.
A N2, B. 1. C. 3. D. 2.
Huéng din giai

Chon A



2
Dit d6 dai canh hinh chop la x. Ta co: SO =+/S4* — 40> =[x —% =3

Sl

Vzg <:>1‘SO'ABCDZE @lﬁ_xzzg S X = 2_

3 3 7342

Cau 58: (THPT Thanh Mién 1-Hai Duong-lan 1 nam 2017-2018) Khdi tu dién déu c6 miy mat

phang d6i xtmg.

A. 4. B. 3. C.6. D. 5.
Loi giai

Chon C.

Céac mat phang d6i xtng cua khéi ttr dién déu 1a cac mit phang chira mot canh va qua trung

diém canh dbi dién.
Ciu 59: (THPT Thanh Mién 1-Hai Dwong-Ian 1 nam 2017-2018) Cho khéi lang tru dimg c6 canh bén
bang 5, day 1a hinh vudng c6 canh bang 4 . Hoi thé tich khéi lang tru 1a:
A. 100. B. 20. C. 64. D. 80.
Loi giai
Chon D

Lang tru dtimg c6 canh bén bang 5 nén co chidu cao h=5.
Thé tich khéi lang tru 1a: V =S ,,,.h = 4%.5=80.



Céu 60: (THPT Trin Hung Dao-TP HCM nim 2017-2018) Tinh thé tich ¥ ctia khéi lang try tam giac
déu co tat ca cac canh bang a .

N N5 N3 N

B. V= . C.V= . D. V= .

4 3 2 ) 4
Loi giai
Chon A
A '
B/
A C
B
2 3
Ta co: Ve ype = Sy Ad =2 B, a3
: 4 4
Cau 61: (THPT Ti Ky-Hai Dwong nam 2017-2018) Hinh da dién nao duéi day khéng co tam dbi
xtng?
A. Lang try lyc giac déu. B. T dién déu.
C. Hinh lap phuong. D. Bat dién déu.
Huéng din giai
Chon B

D@ thay hinh ttr dién déu khong c6 tam dbi ximg.

Cau 62: (THPT Xuan Truwong-Nam Dinh nam 2017-2018) Cho hinh chép S.4BC c6 SA vudng goc
mat day, tam gidc ABC vuong tai A, SA=2cm, AB=4cm, AC =3cm. Tinh thé tich khoi

chop S.ABC.
A. %cm3. B. ?cm3. C. ?cm3. D. 24cm’.

Loi giai
Chon A



B

1 1.1 s
Ve e = E.SA.SMBC = 5.2.5.4.3 = 4(cm ) .

Cau 63: (THPT Xuan Trwong-Nam Dinh nam 2017-2018) Hinh nao dudi day khong phai 1a hinh da
dién ?

A. ‘. B. L c —"7. Y E

Loi giai
Chgn C
Cau 64: (THPT Lwong Van ChasnhPhus Yén nam 2017-2018) Trong céc ménh dé sau, ménh dé nao
ding ?
S6 cac canh cua hinh da dién déu ludn ludn:
A.Lénhon 6. B.Lén hon 7.
C. L6n hon hoic bang 8. D. Lén hon hodc bang 6.
Loi giai
Chon D

Hinh tir dién 1a mot hinh da dién nén ta chon D.

Cau 65: (THPT D6 Luong 4-Nghé An nam 2017-2018) Goi M, C, D thi tu 1a s6 mit, s6 canh, s6
dinh ctia hinh bat dién déu. Khi d6 S =M +C + P bang:
A. S=24. B. §=26. C. §=30. D. S=14.
Loi giai
Chon B
Ta c6 bat dién déu c6 sd mat1a 8, s6 canh 1a 12, s6 dinh 14 6.
Viy S=M+C+D=26.
Cau 66: (THPT D6 Lwong 4-Nghé An nam 2017-2018) Cho hinh chép S.4BCD c¢6 ddy ABCD la hinh
chit nhat AB=a, BC =2a, SA=2a, SA vudng gbc véi mit phang (ABCD) . Tinh thé tich
khdi chop S.4BCD tinh theo a.
8a’ 4qa’ 6a’

A, —. B. —. C.—. D. 4a’.
3 3 3



Chon B

Taco S, = AB.CD =2a’.

3
Thé tich khdi chop S.ABCD 13 Vy e, = %SA.SABCD S %261.2(12 - 4%.

Cau 67: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 nam 2017-2018) Hinh nao dudi day khong phai 1a

hinh da dién?
. I
- + _____ J
s ' I
| I
Il 1
D e 'r ,/"““'
Hinh 1 \Hinh 2 Hinh 3 Hinh 4
A. Hinh 1. B. Hinh 2. C. Hinh 4. D. Hinh 3.
Loi giai
Chon D

C6 mot canh 1a canh chung cua 3 mat.

Cau 68: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c¢6 day
ABCD 14 hinh vuéng canh bang 2a, canh SB vudng goc véi day va mat phéng(SAD) tao voi
day mot goc 60° . Tinh thé tich ¥ cua khdi chép S.4ABCD .

3 3 3 3
A.V=3“8‘/§. B.V=4a3\/§. g.V:S";/g. D.V=3“4‘/§.

Loi giai

Chgn C



Ta co:
(SAD)(ABCD)=AD; AB 1 AD, AD 1 (SAB)=> AD 1 S4 nén géc tao béi mit phang
(SAD) va déy 1a SAB = 60°.

3
Vsasco = %‘SABCD SB = é.(za)z 2a.tan60° = 8\/3§a )

Cau 69: (THPT Yén Dinh-Thanh Héa-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c6 day la hinh
vudng canh a, S4 L (ABCD), SA=a. Goi G 1a trong tim tam giac SCD . Tinh thé tich khéi

chop G.ABCD.

A. %a3. B. %a3. C. %(f. D. éa3.
Huéng din giai

Chon D

Goi M, N lan luot la trung diém cia CD va SD.

Tacs L_OM _ d(G,(4BCD)) |
3 SM  d(S,(4BCD))

3
a

. 1
Tacod V, ipep :Ed(G,(ABCD)).SABCD =— —SAS yop =

? .

W | —

1
5



Cau 70: (THPT Mo Piec-Quing Ngai-lan 1 nam 2017-2018) Khdi lang tru tam giac déu co tat ca cac
canh bang a thi c6 thé tich bang
3 3 3 3
JNCAER B O3 c. a3 p, 43
8 6 12 - 4

Loi giai

Chon D
NN

Thé tich khéi lang try tam giac déu: V =h.S = a. = 2




Cau 1: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Cho khdi lang tru c6 dién tich day bang a® va
khoang cach giita hai day bang 3a . Tinh thé tich V' ciia khéi lang tru da cho.

AV ==a. B.V =3a". C.V=a. D.V=94.

Loi giai
Chon B
Ta c6 chiéu cao ling try 4 =3a.
Thé tich cua khéi ling tru V = Bh=3a’.

Cau 2: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Cho khdi lang tru c6 dién tich day béng 3a’ va khoang
cach gitra hai ddy bang a . Tinh thé tich V' cla khéi I&ng tru d3 cho.
A V=a. B.Vz%cf. C.V=3a. D.V=94.
Loi giai
Chon C
Theo dé ta co: dién tich ddy B =34’ va chiéu cao cia ling tru h=a.
Thé tich khoi lang tru 1a V = B.h =3a*.a =3a’ .
Cau 3: (THPT Lé Quy Don-Ha Noi nam 2017-2018) Cho khdi hop chit nhat ABCD.A'B'C'D’ ¢
AB=a, AD=b, AA =c. Thé tich ciia kh6i hop chit nhat 4BCD.A'B'C’'D' bang bao nhiéu?

A. abc. B. %abc. C. %abc. D. 3abc.

Loi giai
Chon A
Thé tich cua khdi hop chit nhat 13 V = abe.

Cau 4: (THPT Ha Huy Tap-Ha Tinh-lan 2 nam 2017-2018) Trong céac hinh dudi diy hinh nao khong
phai da dién 16i?

S H LD

Hinh (I) Hinh (1) Hinh (IIT) Hinh (IV)
A. Hinh (IV). B. Hinh (III). C. Hinh (II). D. Hinh (I).
Loi giai
Chon A
N

Ta c6 duong ndi hai diém MN khong thudc hinh IV nén diy khong phai 1a da dién 16i.



Cau 5: (THPT Ha Huy Tap-Ha Tinh-lan 2 nam 2017-2018) Cho lang try ding ABC.A'B'C’' ¢6 day
tam gidc ABC vuéng tai B; AB=2a, BC=a, AA =2aJ3. Thé tich khéi ling tru

ABC.A'B'C' 1a
3 3
A. 4d°3. B. 24°/3. C. 2“3‘/5. D. 4“3ﬁ.
Léi giai
Chon B
A '

B
Vi lang try dung c6 day 1a tam giac vudng nén ta co thé tich lang try 1a

Vigcame = %-2‘1-0-2@\/3 = 203\/?.

Cau 6: (THPT Ly Thai T6-Bic Ninh-Ian 1 nam 2017-2018) Hinh chép S.4BCD day 14 hinh chit nhat
c6 AB=a, AD =2a. SA vudng goc mit phang day, SA= a~/3 . Thé tich cua khéi chop la

3 3 3
A.Z‘“g. B, 246 C. 3. p. &3
3 3 3
Loi giai
Chon A

3
Thé tich khdi chép 1a ¥ = %.SA.dt(ABCD) - %.SA.AB.AD = 3;"2“ = 2“36 :

Cau 7: (THPT Phan Chau Trinh-DakLak-I3n 2 nam 2017-2018) Thé tich ctia khdi lang tru ¢ chiéu cao bang
h va dién tich day bang B la




A.V =Bh. B.V=1pn C.V=_pn D.V=1pn.
3 2 6
Loi giai
Chon A
Ta c6 thé tich khéi lang tru V = Bh .

Cau 8: (THPT Chuyén Lam Son-Thanh Hoéa-lan 2 nam 2017-2018) Khéi lang tru cé chiéu cao béng 7,
dién tich ddy bang B c6 thé tich Ia
A.V:lB.h. B.V=Bh. C.V:lB.h. D.V:lB.h.
6 3 2
Loi giai
Chon B
Thé tich khoi lang try ¥ = B.h.

Cau 9: (THPT Can Loc-Ha Tinh-lan 1 nam 2017-2018) Goi n la s6 hinh da dién trong bén hinh trén. Tim 7.
A.n=4. B.n=2. C.n=1. D. n=3.

A/ A N

Chon D
S6 hinh da dién 1a 3 vi hinh dau tién khong phai hinh da dién.

L&i gidi

Cau 10: (THPT Can Loc-Ha Tinh-1an 1 nam 2017-2018) Cho hinh chép S.ABC c¢6 canh SA vudng géc véi
dayva S4 =a.bay ABC latam gidc déu canh bang a . Tinh thé tich khéi chép S.ABC.

3 3 3
Av=L, B.V =d*\3. Q.Vza\/g. D.v=2,
12 12 4
Loi giai
Chon C
S
A C
B
2 3
Thé tich khéi chop 7 :%SA.SAABC =%a. a f = “lf .

Céu 11: (THPT Hong Linh-Ha Tinh-lin 1 nidm 2017-2018) Cho khdi chép c6 thé tich ¥ =36(cm’) va
dién tich mat day B = 6(cm2 ) . Chiéu cao ctia khdi chop 1a
A. h=72(cm). B. hzé(cm). C. h=6(cm). D. h=18(cm).

Loi giai
Chon D



Ta co h=£=ﬁ=18 (cm).
B 6

Cau 12: (THPT Lé Quy Don-Hai Phong Ian 1 nam 2017-2018) Kh&i hai muoi mat déu thudc loai ndo sau

day?

A. {3;4}. B. {4;3}. C. {3;5}. D. {5;3}.
Loi gidi

Chon C

Khé&i hai muoi mat déu cé cdc mat |a tam gidc nén thudc loai {3;5} )

Cau 13: (THPT Lé Quy Pon-Quing Tri-lin 1 nim 2017-2018) Tinh thé tich khéi chop tir giac déu
canh day bang a, chiéu cao bang 3a .

3 3 3
A OY3 B O3 c. L. D. a.
12 4 3
Loi giai
Chon D

Ta c6: Vg ypep = %h.SABCD = %.3a.a2 =a’

Cau 14: (THPT Lé Quy Pon-Quing Tri-lan 1 nim 2017-2018) Tinh thé tich cua khdi 1ap phuong ¢
canh bang a.
a’ 2a° a’

AV =—. B.V=a. C.Vv="o. D.V=—.
3 3 6



Chon B

Visco asen = AB.AA'.AD =a’.

Cau 15: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Cho hinh chép S.4BCD c¢6 day la hinh
vudng canh a, S4 L (ABCD), SB = a~/3 . Tinh thé tich V' cua khdi chop S.ABCD theo a.

3 3 3
AV =d2. B.V:af CV:‘“E a3

. C. . D. V= .
3 3
Loi giai

Chon C

B C

Tam gidc SAB vudng tai A nén S4 = \/SB2 —~AB* = \/?aa2 —d* =a\2.

3
Thé tich khéi chop 1a ¥ = %SA.SABCD = %.a 2.4° = #

Cau 16: (THPT Phan Pinh Phung-Ha Tinh-Iin 1 niam 2017-2018) Cho hinh 1ap phuong c6 thé tich
bang 8. Dién tich toan phan ctia hinh 1ap phuong 1a
A. 36. B. 48. C. 16. D. 24.
Loi giai
Chon D
Gia str hinh 1ap phuong c6 canh a. Tacod a’ =8 < a=2.

Dién tich toan phan ctia hinh 1ap phuong 13 64> =24.

CAu 17: (THPT Phan Dinh Phung-Ha Tinh-Iin 1 nam 2017-2018) Béan kinh R ciia khéi cau c6 thé

32za’

tich V' = la

A. R=2a. B. R=2\2a. C. \2a. D. 7a.
Loi giai
Chon A



3 3
Thé tich khéi cdu ¥ = >27% g;ﬂ@ _3P R4,
Cau 18: (THPT Phan Dinh Phung-Ha Tinh-lin 1 nim 2017-2018) Hinh nao sau day khong c6 truc dbi
xtng?
A. Hinh tron. B. Puong thang. C. Hinh hdp xién. D. Tam giac déu.
Loi gidi
d3 d2

O Pudng tron ¢ vo s6 truc ddi xing, cac truc nay di qua tim dudng tron.
O Pudng thing c6 1 truc d6i xtng tring véi no.
O Tam giac déu co 3 truc dbi xtimg, cac truc nay di qua trong tim clia tam giac déu.
O Hinh hop xién khong cé truc dbi ximg.
CAiu 19: (THPT Dirc THo-Ha Tinh-Tan 1 nam 2017-2018) Khéi tdm mit déu c6 tat ca bao nhiéu dinh?
A. 8. B. 6. C.12. D. 10.
Loi giai
Chon B
Khoi bat dién déu c6 6 dinh va 12 canh.
Cau 20: (THPT Chuyén Hung Vwong-Phti Tho-Iin 2 nam 2017-2018) Mot khéi 1ap phuong cé do
dai canh bang 5, thé tich khdi 1ap phuong da cho bang
A. 243. B. 25. C. 81. D. 125.
Loi giai
Chon D
Ta thdy y' d6i ddu hai lan. Tuy nhién tai x=0 thi V' =5 =125.

CAu 21: (THPT Chuyén Hung Vwong-Pht Tho-lin 2 nam 2017-2018) Trong khong gian v&i hé toa do
Oxyz, cho ba diém A(2;1;-1), B(-1;0;4), C(0;—2;—1). Phuong trinh ndo sau ddy la phuong
trinh cta mét phang di qua 4 va vudng goc BC.

A. x-2y-5z=0. B. x-2y-5z-5=0. C. x-2y-5z+5=0. D. 2x—y+5z-5=0.
Loi giai

Chon B

Phuong trinh mat phing qua A(2;1;-1) nhan BC = (,-2-5) lam vtpt:

x—2—2(y—1)—5(z+1)=0 & x—-2y-5z-5=0.

Cau 22: (SGD Ha Noi-Ian 11 nam 2017-2018) Thé tich ¥ cua khdi chop cé dién tich day bang S va
chiéu cao bang % 1a
A.Vz%Sh. B. V =35h. C.V:%Sh. D. V=>5h.
Loi giai
Chon A
Thé tich ¥ cua khi chép co dién tich day bang S va chiéu cao bang / 1a V = %Sh .



Céu 23: (SGD Ha Noi-lan 11 nam 2017-2018) Hinh tir dién c6 bao nhiéu canh?
A. 4 canh. B. 3 canh. C. 5 canh. D. 6 canh.
Loi giai
Chon D

Hinh tr dién c6 6 canh.

C4u 24: (THPT Luc Ngan-Béc Giang-lan 1 nam 2017-2018) Céng thitc tinh thé tich clia khéi lang tru cé
dién tich dady 1a B vachiéucao / 1a

A.V:%Bh. B.V:%Bh. C.V=Bh. D.V=§Bh.

Loi giai
Chon C

Cau 25: (THTT s6 6-489 thang 3 nim 2018) Nguoi ta ghép 5 khdi lap phuong canh a dé dugc khoi
hop chit thap nhu hinh dudi. Tinh dién tich toan phan S, ciia khéi chir thap do.

I e | .

] — e — e ] = et —

I
l
1 - —
1
1

A. S, =20a". B. S, = 124°. C.S, =30a". D. S, =22a".
Loi giai
Chon D
Dién tich toan phan cua 5 khéi lap phuong 13 5.6a% =304>.
Khi ghép thanh khéi hop chir thap, dd c6 4.2 =8 mat ghép vao phia trong, do d6 dién tich toan

phan can tim 12 30a” —84° = 22a°.

Cau 26: (THPT Lé Xoay-Vinh phtic-Iin 1 nam 2017-2018) Thé tich hinh 1ap phuong canh NERE

A 3. B. 3. C. 3. D. 3\/3.
Loi giai
Chon D
5 3
Theé tich hinh 1ap phuong canh Vlav= (\/g ) =33.
Ciu 27: (THPT Lé Xoay-Vinh phtic-lan 1 nam 2017-2018) Cho hinh chép S.4BC c6 tam gidc ABC
vuong tai 4, AB=2a; AC=a; SA=3a; SA L (ABC) . Thé tich cta hinh chop 1a



AV =2a. B.V=6a. C.V=ad. D. V=3d.
Loi giai
Chon C
S
&
2 b 1 s 11 11 3
The tich cta hinh chop la V' = E.E.AB.AB.SA = g.E.Za.aSa =a .

Cau 28: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Cho hinh ling try dimg c6 dién tich day 1a
3a*, 46 dai canh bén bang 24 . Thé tich khéi lang tru nay bang
A. 2a°. B.a’. C. 3a’. D. 6a’.
Loi giai
Chon D
Thé tich khéi lang tru 1a V = B.h =3a* 2a = 64’ .
Cau 29: (THPT Chuyén Hung Vwong-Gia Lai-Ian 1 nam 2017-2018) Cho khéi tu dién OABC cé OA,
OB, OC d6i mét vudng gécva OA=a; OB=b; OC =c. Thé tich khéi t& diéen OABC duoc tinh

theo cong thirc nao sau day

AV = la.b.c . B.V = la.b.c . C. V= la.b.c . D. V =3ab.c.
2 3 6
Loi giai
Chon C
Voine = lSh = l.OA.lOB.OC = la.b.c
S T ) 6

Cau 30: (THPT Chuyén Tran Pha-Hai Phong-lan 2 nam 2017-2018) Cho hinh chép S.ABCD cé day
ABCD 13 hinh vudng canh bang 2a. Biét S4 = 6a va S4 vudng géc v&i mat phang day. Tinh thé tich

khéi chép S.ABCD .
A. 12434, B. 244’ . C. 8a°. D. 6+/34°.

Chon C




1

Tacod S ;0p = 44*. Do SA vudng géc véi mat phing day nén Vs apep = E‘SA'SABCD =84’.

Cau 31: (PTNK-DHQG TP HCM-l4an 1 nam 2017-2018) Cho khéi chép S.4BC ¢ day la tam giac
vuong can tai 4, SA vudng gbéc véi day va SA=BC = a~/3 . Tinh thé tich khéi chép S.ABC.

A.V:£a3. B.V=£a3. C.Vzﬁcf. Q.Vzﬁcf.
6 2 4 4
Loi giai

Chon D

N

a3

4 c

a3

B

2
Taco AB*+ AC? = BC? = 24B* =3d* = AB:a\/g:SAABC :3%.
1 1 3¢ B
Suy ra VSAABC = ESASAABC :ga\/g-T = T(l3 .

Cau 32: (SGD Pht Tho — Ian 1 - nam 2017 — 2018) Cho hinh chép ti gidc S.ABCD c6 day 1a hinh vudng
canh a, SA vudng goc véi mit phang day va S4 = 2a . Thé tich khéi chép S.4BCD bang
3 3 3
AL B. 2% c. 2 D. 24°.
3 3 3

Chon B

1 1 24°
Vs asco ZESABCD -S4 Zg'az 2a=—.

3
Céu 33: Cho hinh hop ding ABCD.A'B'C'D’ ¢ canh bén AA'=h va dién tich tam gidc ABC bang S.
Thé tich ctia khdi hop ABCD.A'B'C'D' bang
A.VzéSh. B.V=§Sh. C.V=_5h. D. V=25h.
Loi giai
Chon D



V=hS,up =h2S=2Sh.

CAu 34: (THPT Tay Thuy Anh — Thai Binh — Ian 1 - nam 2017 - 2018) Cho hinh chép S.4BC c6
day ABC la tam giac déu canh 2a, SA vudng goc voi mat phang day, SA= a~/3 . Tinh thé
tich khdi chop S.4BC.

3
AV pe =@ (@vt).  B.V, .= %(dvtt). C. V, o =3a> (@vtt). D. V, ,.=d> (dvtt).
Loi giai
Chgn A

Thé tich khéi chop 1a ¥ = %SA.S = %SA.AB.A C.sin 60° = %aﬁ .2a.2a.g =a’.

ABC

Cau 35: (THPT Yén Lac — Vinh Phtic - I4n 4 - nam 2017 — 2018) Khdi ling tru ngii giac c6 bao nhiéu

mat?

A. 7 mat. B. 9 mat. C. 6 mat. D. 5 mat.
Loi giai

Chon A

Khdi lang tru ngii gidc ABCDE.A'B'C'D'E' ¢6 7 mit (5 mitbén va 2 mit day).
Ciu 36: (SGD Bac Giang — nam 2017 — 2018) Thé tich cta khdi ling tru c6 chiéu cao bing 4 va dién
tich day bang B 1a
Av=Lm B.V=1Bh. c.v=Lan. D.V =Bh.
6 3 2
Loi giai

Chon D
Thé tich ctia khdi lang try c6 chiéu cao bang A va dién tich day bang B 1a V = Bh.

Cau 37: (Chuyén DB Séng Héng —Lan 1 nam 2017 — 2018) Trong tit ca cac loai hinh da dién déu

sau day, hinh nao c6 s6 mat nhiéu nhat?

A. Loai {3;4}. B. Loai {5;3}. C. Loai {4;3}. D. Loai {3;5}.
Loi gidi

Chon D

Loai {3;4} co 8 mat

Loai {5;3} ¢6 12 mit

Loai {4;3} c6 6 mit

Loai {3;5} ¢6 20 mit. Suy ra két qué 1a dép 4n D.



Cau 38: (THPT Chuyén Thoai Ngoc Hiu — An Giang - Lin 3 nam 2017 — 2018) Thé tich ctia khi lang
tru c6 chiéu cao 4 va dién tich day bang B 1a

A.V—lBh. B.VzéBh. C.VzéBh. D. V =5Bh.
Loi gii
Chon D
Cau 39: (THPT Chuyén Thoai Ngoc Hiu — An Giang - Lan 3 nam 2017 — 2018) Cho hinh chép S.ABCD

3 = ,
c6 day ABCD 1a hinh vudng canh a, SD :7a , hinh chieu vuong goc cta S trén mat phang

(ABCD) 1a trung diém cua canh 4B . Tinh theo a thé tich khoi chop S.ABCD .

p. 20

3
AL B.
2 3

Chon B

Goi H 1a trung diém 4B = SH 1L (ABCD).

2
Ta co: SH =~/SD? — HD? =\/SD2 ~(AH? + AD?) =\/9%—(%+a2] —a.

3

A 1 a
Vay: Vs upep = 5 SapepSH =—.
3 3
Cau 40: (THPT Chuyén Thoai Ngoc Hiu — An Giang - Lin 3 nam 2017 - 2018) Cho khdi ling tru dting
ABC.A'B'C' ¢6 BB'=a, day ABC la tam giac vudng can tai B va AC = a~2. Tinh thé tich

V' cta khéi lang tru di cho.
3 3 3

A V=2 B.v=2L. cr=2. D.V=d.
2 6 3
Loi gii
Chon A

Tam gidc ABC vuodng cantai B nén AB = % =a.

Thé tich khéi lang tru bang V. .y = BB'S 5 = a.—-==



Chu 41: (THPT Chuyén DHSP — Ha Noi - Lan 1 nam 2017 - 2018) Cho hinh chép S.4BCD c6
ABCD 1a hinh vuéng canh a. Tam giac SAB déu va nim trong mit phang vudng goc voi mit

phang (ABCD). Thé tich ctia khdi chép S.ABCD 1a

3 3 3 3
A.“‘/g. B. L. c. L. p. &V3
6 2 6 2
Loi gidi
Chon A

B

Goi / latrung diém clia 4B suyra S]J_(ABCD) va ST =¥.
3
Thé tich kh6i chop 13V =~ 42,933 _ @ ‘6.
3 2 6

Céu 42: (THPT Kim Lién — Ha Noi - Lan 2 nam 2017 — 2018)Thé tich ¥ cta khdi lang tru c6 chiéu
cao bang & va dién tich day bang B 1a

A.V:%Bh. B.Vz%Bh. C.V:éBh. D. V =Bh.

Loi giai
Chon D
Thé tich ¥ cua khéi lang tru c6 chiéu cao bang 4 va dién tich ddy bang B 1a V = Bh.
Céu 43: (THPT Tran Pht — Ha Tinh - Lan 2 nam 2017 — 2018)Céng thirc tinh thé tich cua khéi chop

c6 dién tich ddy B va chiéu cao 4 la

A.VziBh. E.Vleh. C.V=Bh. D.Vleh.
3 3 2
Loi giai
Chon B

. . ) A 1
Cong thure tinh the tich ctiia khoi chop ¢6 dién tich day B va chiéucao A 1a V' = EBh .

Cau 44: (THPT Tran Pht - Ha Tinh - Lan 2 nam 2017 — 2018)Cho hinh chép t gidc S.ABCD cé
d4y ABCD la hinh vudng canh bing a, S4 L(ABC), SA=3a. Thé tich cua khéi chop
S.ABCD 1a
AV =6a. B.V=ad. C.V=3d. D.V=2a".
Loi giai
Chon B



Thé tich cta khéi chép S.ABCD 1a ¥V = %SABCD.SA = §a2.3a =a’.

Céu 45: (THPT Thuin Thanh 2 — Bic Ninh - L4n 2 nim 2017 — 2018)Cho t&t dién OABC ¢6 OA,
OB, OC d6i mot vudng goc v6i nhau tai O va O4=2, OB=4, OC =6. Thé tich khdi tir

dién da cho bang.

A. 48. B. 24. C. 16. D. 8.
Loi giai

Chon D

1 1
Taco Ve = 0A0BOC=—246=8.

Chu 46: (THPT Chuyén Lwong Thé Vinh — Dong Nai — Lan 2 ndm 2017 — 2018) Hinh bat dién
déu c6 bao nhiéu canh?
A. 10. B. 8. C.12. D. 20.
Loi giai
Chon C
Theo ly thuyét thi hinh bat dién déu c¢6 12 canh.
Céu 47: (SGD Quang Nam — nam 2017 — 2018) Tinh thé tich ¥ cua khdi hop chit nhat c6 day 1a hinh
vudng canh bang 6 va chiéu cao bing 5.
A.V=60. B. V' =180. C. V =50. D. V' =150.
Loi giai
Chon B
Thé tich V' = S.h =625 =180.
Cau 48: (THPT Tran Phii — Da Ning - Lin 2 — nam 2017 — 2018) Cho mét khdi chop ¢o chiéu cao bang
h va dién tich day bang B . Néu giit nguyén chiéu cao /4, con dién tich day ting 1én 3 lan thi
ta dugc mot khdi chop méi cod thé tich 1a:

A.V=Bh. B.V=Lnn c.v=Lpn D. V=L
6 2 3
Loi giai
Chon A
Ta c6 B' =3B nén thé tich khdi chop méila V = %B’h =Bh.
Cau 49: (THPT Chuyén DH Vinh - Lin 2 - nam 2017 - 2018) Véi & 14 s6 thuc bat ky, ménh dé nao sau
day sai?

A. (107) =1007. B. \/10° :(\/ﬁ)“. c. V0" =10°. D. (10°) =107".



Loi giai
Chon D
. . . \ , n m
Dap an D sai do v6i moi ¢ >0 va m, ne R taco: (a'") :(a”) =a"".

Khi d6 (10°) =(10%)" =10%.

Cau 50: (SGD Nam Dinh — nam 2017 - 2018) Trong khong gian chi ¢6 5 loai khéi da dién déu.

N el

Khdi tir dién déu Khbi lap phuong  Khdi bat dién déu  Khdi 12 mat déu  Khdi 20 mat déu
Ménh d nao dudi day 1a ding?
A. Khbi tir dién déu va khéi bat dién déu c6 1 tam ddi xing.
B. Khéi lap phuong va khdi bat dién déu co cung s6 canh.
C. Moi khbi da dién déu c6 sé mit 1 nhitng s6 chia hét cho 4.
D. Khbi muoi hai méat déu va khéi hai muoi mat déu ¢ cung sé dinh.

Loi giai
Chon B
Khéi lap phuong va khdi bat dién déu ¢ 12 canh.



Cau 1: (SGD Thanh Hoéa - nam 2017 — 2018) Hinh bét dién déu (tham khao hinh v&) ¢ bao nhiéu mat?

A. 8. B. 9. C.6. D. 4.
Loi giai

Chon A

Tinh theo dinh nghia.

Cau 2: (THPT Chuyén Hung Vwong — Gia Lai — Lan 2 nam 2017 — 2018) Cho hinh lang tru tir gidc
ABCD.A'B'C'D' ¢6 ddy ABCD 14 hinh vudng canh a va thé tich bang 34*. Tinh chiéu cao
cua lang tru da cho.

A.h=a. B. h=3a. C. h=9. D.h:%.
Loi giai
Chon B

3

Visepaper 3@

=== =—=3a.
ABCD a

Taco: V,pep ywery =Speph < h

Ciu 3: (THPT Chu Van An - Ha Néi - nim 2017-2018) Mdi dinh ctia hinh da dién 1 dinh chung cia it
nhét bao nhiéu mat?
A. Ba mit. B. Hai mit. C. Bén mit. D. Nam mit.
Loi giai
Chon A
M&i dinh cua hinh da dién 13 dinh chung cua it nhét cia ba mat. Vi du dinh cua t&r dién.
Cau 4: (SGD Bic Ninh - Lan 2 - nam 2017-2018) Kh&i da dién d&u loai {4;3} c6 s6 dinh I3

A. 10. B. 8. C. 4. D. 6.

Loi giai
Chon B
Khoi da dién déu loai {4;3} 1a khoi da dién c6 cdc mat 1a mét tir gidc déu va mdi dinh la dinh
chung ciia diing ba mat. Vay khdi da dién d6 1a khéi 1ap phuong.
Do d, sb dinh ciia khéi da dién déu loai {4;3} 1a 8 dinh.

CAu 5: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Khéi bat dién déu 1a khbi da dién déu
loai nao ?
A. {5;3}. B. {3;4}. C. {4;3}. D. {3;5}.



Huéng din giai
Chon B

Cau 6: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Thé tich khéi ling tru c6 chiéu cao
bang h, dién tich day bang B 1a

A. lB.h. B. lB.h. C. Bh. D. lB.h.
2 3 - 6
Huéng din giai
Chon C
Cau 7: (THPT Dang Thiic Hira — Nghé An - nam 2017-2018) Hinh lang try tam gidc déu c6 tit ca cac canh
béng nhau cé bao nhi€u mat phfmg dbi xtng?

A. 6. B. 4. C. 3. D. 5.
Loi giai

Chon B

C6 4 mit phang dbi xtmg nhu hinh vé sau.

<

Cau 8: Cho hinh 1ap phuong ABCD.A'B'C'D’ . Tinh goc giita hai duong thang B'D' va A'A.
A. 90°. B. 45°. C. 60°. D. 30°.

Céu 9: Cho khdi chép S.4BC c6 day la tam gidc déu, SA4 L (ABC)va SA=a. Biét rang thé tich cia
khéi S.4BC bing \/3a*. Tinh d¢ dai canh day cta khéi chop S.4BC.
A. 2\3a. B. 24/2a. C. 3\3a. D. 2a.

Cau 10: Hinh lang try dimg c6 day 1a tam giac can nhung khong phai 13 tam giac déu c¢6 bao nhiéu mat
phang d6i xtimg?

A. 4. B. 3. C.2. D. 1.
Cau 11: Cho hinh 1ap phuong ABCD.A'B'C'D' . Tinh gbc giita hai duong thang B'D’ va A'A.
A. 90°. B. 45°. C. 60°. D. 30°.
Loi giai
Chon A
B
A i D
I
|
|
A — = =h
o7 B~ C




Ta c6 ABCD.A'B'C'D' 1a hinh 13p phuong nén canh 4’4 L (A'B'C'D') va B'D' € (A'B'C'D')
Nén A'A L B'D' = £(A'4,B'D")=90° .

Céu 12: Cho khéi chép S.ABC c6 day 1a tam gidc déu, S4 L (ABC)va SA = a. Biét rang thé tich cta
khéi S.ABC bing ~/3a’. Tinh do dai canh day cuia khéi chop S.4BC.

A. 243a. B. 2V2a. C. 3\3a. D. 2a.
Loi giai
Chon A

>

B B C
B

Tam giac ABC 1a tam gic déu canh x nén duong cao /s = BC.sin 60° = xT.

3
Taco V. ; SAS, we = Some = Vsane _ 33a =33d>.

S.ABC SA a
:%.h.BC=3\/§a2 Q%xg.xﬁﬁaz o x2 =124 & x=23a.

Cau 13: Hinh ling try dimg c6 day 1a tam giac can nhung khong phai 1a tam giac déu cé bao nhiéu mit
phang d6i xtmg?

A. 4. B. 3. C.2. D. 1.

Loi giai
Chon C
Hinh lang try dimg c6 ddy la tam giac can nhung khong phai 1a tam gidc déu c¢6 2 mit phing
dbi xtmg gdbm mit phang trung tryc cua canh bén va mit phing trung tryc cua canh day cia
tam giac day hinh lang tru (hinh v€ minh hoa).

I I |
Céu 14: Thé tich ¥ cua khéi ling tru co dién tich day bang 3 va do dai dudng cao bang 4 1a

A V=12, B.V=8. C.V=4. D.V=6.
Loi giai

Chon A



Thé tich khéi lang trula ¥ =Bh=3.4=12.
Cau 15: Thé tich ¥ ctia khdi chdp c6 chiéu cao bang 4 va dién tich day bang 3B 1a

A.V =3Bh. B.VzéBh. C.VzéBh. D.V =Bh.
Cau 16: Thé tich ¥ cta khdi chdp c6 chidu cao bang A va dién tich day bang 3B 1a
A.V =3Bh. B.V:%Bh. C.VzéBh. D.V =Bh.
Loi giai
Chon D

Taco V :§.3B.h =Bh.

Cau 17: Thé tich V' cua khdi I3ng tru tam gidc déu cé canh ddy bang 2a va canh bén bang a 13

3 3 3
A.V:af. B. V =a’\3. c.V:“f. D.V:";/5

Cau 18: Thé tich /' cua khéi I3ng tru tam gidc déu cé canh ddy bang 2a va canh bén bang a 13

3 3 3
A.V:‘“/g. B. V =a’\3. c.V:a‘g. D.V:“‘E.
2 4 3
Loi giai
Chon B
ar! fcr
a
A C
B 2a
B

24)" 3
Taco V =S,,..AA =%.a ENCY

Cau 19: Cho hinh chép S.ABCD c6 ddy ABCD 1a vudng canh a, SA vudng goc véi mit phang
(ABCD), SA=3a . Thé tich khéi chép S.ABCD biang
a
3
Cau 20: Cho hinh chop S.4BC c6 day ABC la tam giac vudng cantai 4, SA= AB=a, SA vudng goc
v6i mit phang (ABC). Thé tich cua khéi choép S.ABC béng
3 3 3
AL B. 2 c. = D. =
3 2 2
Cau 21: Cho hinh chép S.ABCD c6 ddy ABCD la vudng canh a, SA vudng goc véi mit phang
(ABCD), SA=3a . Thé tich khéi chép S.ABCD bang

3
A . B. %. C. D. 3a°.



>
QU)
o]

3
c. L D. 34°.
3

Chon A

BE C

SA = %.a2.3a =a’.

Thé tich khéi chop Vy e = %SABCD.
Cau 22: Cho hinh chop S.4BC c6 day ABC la tam giac vudng cantai 4, SA= AB=a, SA vudng goc
v6i mit phang (ABC). Thé tich ctia khbi chop S.4BC bang

3 3

AL p. L.
3 6
Chon D
B
2o Iy . 1 11 a
Thé tich cua khoi chép S.ABC 1la V = SSAABC.SA = S.E.AB.AC.SA =%

a6

Cau 23: Thé tich ctia khdi chop tir gidc déu co chiéu cao bang N va canh day bang a3 bang:

3a3\/6 3a3\/§ 3a3\/§ a3x/6

A. . B. . C. . D. .
2 2 4 3

Cau 24: Thé tich ctia khdi chop tir gidc déu co chiéu cao bang g va canh day bang a3 bang:

3 3 3 3
A. 3“2‘@ B. 3“2*5. C. 3"4‘/5. D. ¢ f.

Loi giai



Chon D

. 1 1 2 g6 _a3x/g
Taco.VzgSABCD.SO—E.(a\/g). 3 - 3

Cau 25: Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vuong tai 4 va D, AB=AD=a,
SA=CD=3a, SA vudng gbc véi mit phang (ABCD) . Theé tich khéi chép S.4ABCD biang.

A. 6a°. B. la3. C. la3. D. 24°.
6 3 -

Cau 26: Cho hinh chép S.4BC c6 day ABC la tam giac vudng tai B, AB=a, BC=2a, SA L (ABC) ,
SA4 =3a . Thé tich ctia khdi chop S.4ABC bang

A.a’. B. la3. C. 3a’. D. la3.
3 6

Cau 27: Cho hinh chop S.ABCD c6 day ABCD la hinh thang vuong tai 4 va D, AB=AD=a,
SA=CD=3a, SA vudng gbc véi mit phang (ABCD) . Theé tich khéi chép S.4ABCD biang.

A. 6a’. B. l(13. C. la3. D. 24°.
6 3
Huéng din giai
Chon D
. (AB+DC).AD (a+3a)a s 1 1 ) 3
Taco S, = = =2a".Vay Vs zep :§SA.SABCD :§3a.2a =2a’.

2

Cau 28: Cho hinh chép S.4BC c6 day ABC la tam giac vudng tai B, AB=a, BC=2a, SA L (ABC) ,

SA4 =3a . Thé tich ctia khdi chop S.4ABC bang
A a’. B. %a3. C. 3d’. D. lar3.



Hwéng din giai
Chon A

A — c

B
2 1 11 1 3
Thé tich Vg ,, =§SABC.SA =§.EBA.BC.SA =ga.2a.3a =a.

Cau 29: [2DP1-1]Ham s6 nao duwdi day c6 d6 thi nhu hinh v&?

A. y=x -3x+1. B. y=x"+3x+1.
C. y=—x+3x+1. D. y=—x"-3x+1.

Cau 30: [2D1-1]Ham s6 nao duwdi day c6 do thi nhu hinh v&?

/ 9

A. y=x-3x+1. B. y=x"+3x+1. C.y=-x+3x+1. D.y=-x"-3x+1.

1 _ W
-
=

Loi giai
Chon A
Vi db thi c6 hé s6 a >0 va di qua diém A(1;-1).

Cau 31: Cho hinh chép tir giac déu S.4ABCD c6 tit ca cic canh bang «. Khoang cach giira hai duong
thing AC va SB la

a2 a o, a3

A. a. B. . C. —. .
2 -2 2
Cau 32: Cho hinh chép tir giac déu S.4BCD c6 tit ca cac canh bang «. Khoang cach giira hai duong
thing AC va SB la

a2

A.a. B. . C.
2

D. &

2

NSNS

Huéng din giai
Chon C



Goi I = AC~BD, H 1a hinh chiéu caa I 1én SB.
(AC L BD
Ta co
AC 1 SI

Ta o {HIJ_SB (gt)

< AC L(SBD) < AC L HI

< HI la doan vuong goc chung cua AC va BD < d(AC, SB) =IH
HI 1 AC

BD 1a dudng chéo hinh vuéng canh ¢ = BD=a2 = Bl = a\2/§ = SI =~/SB* - BI’

2
& SI= | —[“*/EJ _av2.
2
Tam gidc SBI vuongtai I c¢6 [H L SB
= 12:%4' 12: 1 7t 1 212311_[:2'
IH® SI° IB a2 a2) 4 2
2 2
Cau 33: Khdi lang try ¢6 chidu cao A va dién tich day S thi ¢ thé tich bang
A. Sh. B. lSh. C. lSh. D. lSh.
6 3 2
Cau 34: Khoéi lang tru c6 chiéu cao A va dién tich day S thi c6 thé tich bang
A. Sh. B. lSh. C. lSh. D. lSh.
6 3 2
Loi giai
Chon A
Cau 35: Khéi lang try tam giac ¢6 bao nhiéu dinh?
A. 5. B.6. C.3. D.1.
Cau 36: Khdi chop co dién tich day bang 6 m?, chiéu cao bang 7 m thi c6 thé tich la:
A.8m’. B.16m’. C.14m’. D.7m’.
Cau 37: Khdi lang try tam giac ¢ bao nhiéu dinh?
A. 5. B. 6. C. 3. D. 1.
Loi giai

Chon B



OI

Khdi lang tru tam giac ¢ 6 dinh.

Cau 38: Khdi chop co dién tich day bang 6 m?, chiéu cao bang 7 m thi c6 thé tich 1a:

A. 8m’. B. 16m’. C.14m’. D.7m’.
Loi giai
Chon C
V =l.6.7 =14m’.
3
Cau 39: Néu c6 mot khdi chop co thé tich va dién tich mat ddy 1an luot bang o va «® thi chiéu cao cta
n6 bang
A. 3a. B.%. C. 2a. D. a.
Cau 40: Néu c6 mot khbi chop co thé tich va dién tich mat day lan luot bfmg a® va g’ thi chiéu cao cua
n6 bang
A.3a. B.%. C. 2a. D. a.
Loi giai
Chgn A
3
Taco: V=tBhoh="0 230 _3,4
3 B a

Cau 41: Hinh nao khéng phai Ia hinh da dién déu trong cac hinh dudi day?
A. Hinh tir dién déu.
B. Hinh hdp chi nhat c¢6 dién tich cac mat béng nhau.
C. Hinh lap phuong.
D. Hinh chép tam giac déu.

Céu 42: Hinh nao khéng phai Ia hinh da dién déu trong cac hinh duéi day?
A. Hinh t&r dién déu.
B. Hinh hdp chit nhat c¢6 dién tich cac mat béng nhau.
C. Hinh lap phuong.
D. Hinh chép tam giac déu.
Loi giai
Chon D . .
Vi hinh chop tam giac déu c6 cac mat bén la cac tam gidc can khong phai la tam giac déu.



Cau 43: Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vudng canh a, canh bén SA4 vudng goc véi mét

phéng ddy va SA=a~/2 . Tinh thé tich ¥ cta khdi chép S.4BCD .

3 3 3
A.V:af. B.V:af. C.V=a\2. D.V:“;/E.

Cau 44: Cho hinh chép S.ABCD c6 day ABCD 1a hinh vuong canh a, canh bén S4 vudng gdc voi mat

Cau 45

Cau 46

Cau 47

Cau 48

Cau 49

Cau 50

phéng day va SA = a~/2 . Tinh thé tich ¥ cta khdi chép S.4BCD .

A.V:a3\/§. B.V:a3\/§. C.V=a\2. Q.V:a3\/§.
6 4 3
Loi giai
Chon D
14 =l.a2.a 2= a'\2 .
3 3
: Khoi da dién c6 tit ca cac mit 1a hinh vudng c6 bao nhiéu dinh.
A. 8. B. 4. C. 16. D. 20.
: Cong thire tinh thé tich khdi tru ¢6 chiéu cao 4 va ban kinh day R 1a
A. V:%hRZ. B. V =7hR*. C.V =hR*. D. V=§7th2.
: Khoi da dién c6 tit ca cac mit 1a hinh vudng c6 bao nhiéu dinh.
A. 8. B. 4. C. 16. D. 20.
Loi giai
Chon A

Khéi da dién c6 tit ca cac mat 1a hinh vuong 1a khéi 1ap phwong. Do d6 khéi 1ap phuong c6 8
dinh.

: Cong thirc tinh thé tich khdi tru c6 chiéu cao 4 va ban kinh ddy R 1a

A. V:%th. B. V =rxhR’. C.V=hR. D. V:%nth.

Loi giai
Chon B

: Cho hinh chép S.ABC c6 diy ABC 1a tam gidc vudng tai 4, AB=a, AC = a~/2. Biét thé tich

3

khdi chop S.ABC bang %. Khoang cach tir diém S dén mat phang (ABC ) bang

3a\/5 a\/z 3a\/5 a

A. . B. . C. . D.
4 2 -2

2
Pt

: Cho hinh chép S.4BC c6 ddy ABC 1a tam gidc vudng tai 4, AB=a, AC = a2 . Biét thé tich

3

khdi chop S.4ABC bing %. Khodng céch tir diém S dén mt phang (A4BC) béng

A. 3“*/5. B. “*/5. C. 3“*5. D. “*/5.
4 2 = 6
Loi giai
Chgn C

Goi h 1a khoang cach tir diém S dén mat phang (ABC )

3
a

6."
Thé tich khdi chop V = lh.SABC Lapachon-—Y -2 3 a2 :
3 6 ABAC aa2 2




Cau 51: S6 dinh ctia hinh bat dién déu bang

A. 6. B. 12. C.8. D. 5.
Cau 52: S dinh ciia hinh bat dién déu bang
A. 6. B. 12. C.8. D. 5.
Loi giai
Chon A
E
C
A
F

Hinh bat dién déu co tit ca 6 dinh.

Cau 53: Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vudng canh a, canh bén S4 vudng goc voi day
va SA=a. Tinh theo a thé tich V' cua khoi chép S.ABCD .

N

3
a

AV =—.
6
Cau 54: Cho hinh chép S.4BCD co6 day ABCD la hinh vudng canh a, canh bén S4 vudng goc voi day
va SA=a. Tinh theo a thé tich V' cua khoi chop S.ABCD .

N

3 3 3
A= B.V=d. cr=2. p.v=2,
6 2 3
Loi gidi
Chon D
3
Thé tich V' ctia khéi chép S.ABCD 1a: V :%.SABCD.SA :%.az.a :%.

Céu 55: Cho hinh chép S.ABCD c6 day 1a hinh chit nhat c6 chiéu rong 2a, chiéu dai 3a, chiéu cao khdi
chop bang 4a . Thé tich khdi chop theo a 1a:



Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

AV =244, B. V=94 C.V=40a’. D. V =84".

Cho hinh chop S.ABCD c6 day 1a hinh chit nhét c6 chiéu rong 2a, chiéu dai 3a, chiéu cao khdi
chop bang 4a . Thé tich khdi chop theo a 1a:
A,V =24a. B.V =94. C.V =40a". D. V =84".

Huéng din giai
Chon D

Tacd: V= %.4a.2a.3a =8a’.

Thé tich khdi 1ap phuong c6 canh bang 10 cm 1a

A. V =1000cm’. B.V=500cm’. C.V=@cm3. D. V =100 cm’.
Thé tich khéi lap phuong c6 canh bang 10 cm 1a
A. V' =1000cm’. B. V =500cm’. C.Vzgcmf D. V=100 cm’.

Loi giai
Chon A
Ta c6 thé tich khdi lap phuong c6 canh bang 10 cm 1a ¥ =10° =1000 cm® .

Thé tich ¥ ctia khéi ldng tru c6 chiéu cao bang 4 va dién tich diy bang B dugc tinh theo cong
thirc nao dudi day?

A.V:%Bh. B. V' =3Bh. C.V =Bh. D.V:%Bh.

Thé tich ¥ ctia khéi ldng tru c6 chiéu cao bang 4 va dién tich ddy bang B dugc tinh theo cong
thirc nao dudi day?

A.VzéBh. B. V =3Bh. C.V=Bh. D.VzéBh.
Loi giai
Chon C
Tinh thé tich V' ciia kh6i hop co chiéu cao bang 4 va dién tich day bang B.
A.V:lBh. B. V =Bh. C.V:lBh. D.V:lBh.
3 2 6
Tinh thé tich V' ciia kh6i hop co chiéu cao bang 4 va dién tich day bang B.
A.Vleh. B.V=Bh. C.Vleh. D.Vleh.
3 2 6
Loi giai
Chon B

Cho hinh tr giac S.ABCD c6 day ABCD la hinh vuong canh a, canh bén S4 vudng goc véi
mit phang day va S4 = a3 Hay tinh thé tich ¥/ ctia khdi chop S.ABCD .
3 3 3
3a 3a c. e, V3a

A. . B. . D. .
-3 6 4

Cho hinh tr giac S.ABCD c6 day ABCD la hinh vuong canh a, canh bén S4 vudng goc véi
mit phang day va SA = a3 Hay tinh thé tich ¥/ ctia khdi chop S.ABCD .




\/§a3 \/§a3 c \/§a3 \/gas
3 . 5 . . 1
Loi giai

a*\3
3

A.

Chon A

Thé tich ctia khdi chop 1a: V' = %az.a\f =

Cau 65: Khdi lang tru ¢ dién tich day bang 34>, chiu cao bang a co thé tich bang

A. 3a’. B. 3a3. C. la3. D.d’.
2 2
Cau 66: Khdi lang tru c6 dién tich day bang 3a”, chiéu cao bang a c6 thé tich bang
A. 3a’. B. Ea3. C. la3. D.a’.
2 2
Loi giai

Chon A
Thé tich khéi lang tru V = Bxh =34’ xa =3a’.
CAu 67: Cho khbi chop S.ABC, trén ba canh S4, SB, SC lan luot léy badiém A', B', C' sao cho

S4' = %SA , SB' = %SB , SC' = %SC .Goi V' va V' lan luot 1a thé tich ctia cac khdi chop

S.ABC va S.A'B'C’. Khi d6 ti sb % la

AL B. L. c. L. p. L.
6 3 - 27 9
Cau 68: Cho khdi chop S.ABC, trén ba canh S4, SB, SC lan luot 1ay ba diém 4’, B', C' sao cho

S4' = %SA , SB' = %SB , SC' = %SC .Goi ¥V va V' lan luot 1 thé tich ctia cac khbi chop

S.ABC va S.A'B'C'. Khi d6 ti sb % la

A

W | =
N
|
O | —

1
L

Chgn C




L,V S84 SBSC’ 111 1
TacO —=———=——.—=—.
Vv S4 SB SC 333 27
Cau 69: Hinh hop chit nhat ABCD.A'B'C'D' ¢6 cac kich thuée 1a AB=x, BC =2x va CC' =3x. Tinh thé
tich cuia hinh hop chit nhat ABCD.A'B'C'D'.

A. 3x°. B. x°. C.2x". D. 6x°.

Cau 70: Hinh hop chit nhat ABCD.A'B'C'D’ ¢6 cic kich thuée 1a AB=x, BC =2x va CC' =3x. Tinh thé
tich cuia hinh hop chit nhat ABCD.A'B'C'D'.
A. 3x°. B. x°. C. 2x". D. 6x°.
Loi giai
Chon D
D@ thiy ba kich thuéc AB, BC va CC' chinh la chiéu rong, chiéu dai va chiéu cao cua hinh hop chir
nhat. Do d6, thé tich bang V' = x.2x.3x = 6x°.
Céu 71: Khdi muoi hai mit déu c¢6 bao nhiéu canh?

A. 30 canh. B. 12 canh. C. 16 canh. D. 20 canh.
Céu 72: Khdi mudi hai mit déu c¢6 bao nhiéu canh?
A.30 canh. B. 12 canh. C. 16 canh. D. 20 canh.
Loi giai
Chon A

A

Cau 73: Thé tich ctia khdi lang tru c6 dién tich day bang B va chiéu cao bang 4 1a

A.V =Bh. B.Vleh. C.Vleh. D.Vleh.
3 6 2
Cau 74: Thé tich ctia khdi lang tru c6 dién tich day bang B va chiéu cao bang 4 1a
A.V =Bh. B.V:lBh. C.V:lBh. D.V:lBh.
3 6 2
Loi giai
Chon A
Cau 75: Trung diém cac canh ctia mot t&r dién déu tao thanh
A. cac dinh cia mdt hinh hai muoi mat déu. B. cac dinh ciia mot hinh muoi hai mat déu.
C. cac dinh cua mot hinh tir dién déu. D. cac dinh cua mdt hinh bat dién deu.

Cau 76: Trung diém céc canh cua mot tir dién déu tao thanh
A. cic dinh cia mot hinh hai muoi mat déu. B. céc dinh ctia mot hinh mudi hai mat déu.
C. cac dinh cia mot hinh tir dién déu. D. cac dinh ctia mét hinh bat dién déu.
Huéng din giai
Chon D
Trung diém céac canh cua mot ttr dién déu tao thanh cac dinh ciia mot hinh bat dién déu.






Cau 1: (THPT Chuyén Hung Vwong-Phti Tho-lin 1-NH2017-2018) Cho hinh chép tir gidc déu
S.ABCD c6 canh day bang 2a canh bén bang 3a . Tinh thé tich ¥ cta khoi chop da cho?

3 3 3
4*/9?“ . C.V:%. Q.V:4\ﬁa .

AV =474, B.V = 3

Chon D

Trong mit phing ABCD, goi O = AC " BD, do hinh chép S.ABCD déunén SO L (ABCD).
Déy 1a hinh vuéng vanh 2a = 40 = A—2C =a\2
Trong tam giac vudng SAO c6 SO =~/SA* — A0’ = a7

4a3\/7

Thé tich ¥ ctia khéi chép trén 1a V7 :%SO.SABCD :éaﬁ 4a* = T

Ciu 2: (THTT S6 1-484 thang 10 nam 2017-2018) Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh

vuéng canh a. Hai mit bén (S4B) va (SAD) cung vudng goc véi mit day. Biét goc giita hai

mit phang (SCD) va (ABCD) bang 45°. Goi V,;V,lan lugt 1 thé tich khéi chép S.AHK va
S.ACD véi H, K lan luot 13 trung diém cua SC va SD. Tinh d6 dai duong cao cua khdi

chop S.ABCD vatisd k n

2
1 1 1 1
A. h=ak=—. B. h=a;k=—. C. h=2ak=—. D. h=2a;k=—.
= 4 6 8 3

Loi giai

Do (S4B) va (SAD) cung vudng goc véi mat day nén S4 L (ABCD).

. [CD 1L 4D
Ta co = CD L (S4D)=CD L SD.
CD 154



D@ thay géc gilta hai mét phang (SCD) va (4BCD) 1a SDA = 45°.
Ta c6 tam giac SAD la tam gidc vudng can dinh 4. Vay h=S4A=a.
Vi, SH SK 1

Ap dung cong thiic ti s6 thé tich c: L ="— "——=—.
v, SC'SD 4

Cau 3: (THTT S6 1-484 thang 10 nam 2017-2018) Cho hinh ldng try ABC.A'B'C’ ¢6 ddy ABC 1a tam
gidc déu canh a, AA' :37(1‘ Biét rang hinh chiéu vudng goc ciia 4’ 1én (A4BC) la trung diém

BC . Tinh thé tich ¥ ctia khdi lang tru do.

3 3

AV =d. B. V=% cv=3% D.V=d |2

3 42 2

Loi giai

Chon C

B, C'

B C
A
Goi H la trung diém BC.
%

Theo gia thiét, 4'H 14 duong cao hinh ling tru va A'H =+ A4 — AH* = %.

_a2 3 a\/€_3a3\/§

4 2 8

Vay, thé tich khéi lang tra 13 V = S, ... A'H

Cau 4: (THPT Chuyén Quang Trung-Binh Phuwéc-Ian 1-nam 2017-2018) Cho khdi lang tru tam giac
ABC.A'B'C" c6 thé tich 1a V. Goi I, J lan luot la trung diém hai canh 44’ va BB'. Khi d6
thé tich ctia khoi da dién ABCIJC' bang

A. iV. B. gV. C. éV. Q.EV.
5 4 6 3
Loi giai
Sai Chon C

Stra Chon D



Goi K 1a trung diém ctia CC’ thi hién nhién thé tich cua khéi lang try ABCIJK bang
14

V oser = —
ABCIJK :
2

Thé tich cua khéi chép tam giac C".IJK bang V.., = %V .

Do d6 thé tich ctia Ve = Voo + Ve e = ot o= =27
23 6 6
Trinh bay lai
Goi K 1a trung diém cua CC' thi V0 =V pes = %
X ., , Lo 1, . , 3 1 V
The tich cta khoi chop tam giac C'.IJK bang V., = EVA, pew =
Do do thé tich cita Ve =Vaoe + Ve e = g+% - %V _

Cau 5: (THPT Chuyén Quang Trung-Binh Phuéc-Tin 1-nam 2017-2018) S6 mit phang dbi ximg cia
khoi tir dién déu 1a
A. 7. B. 8. C.9. D. 6.
Loi gidi

B D
&

Chon D

@ &



Cau 6: (THPT Chuyén Thai Binh-lin 1-nim 2017-2018) Mot khéi lang tru tam giac co ddy la tam giac
déu canh 3, canh bén bﬁng 2\/5 va tao vo1 mat phfmg day mdt goc 30°. Khi do thé tich khoi

lang tru 1a?
NS B 213, cZ p. 23
4 4 4 4
Loi giai
Chon C
A C'
B!
C
A _____________
B H
Ké C'H L (ABC) tai H = (CC';(4BC))=C'CH.
Bii ra (CC';(4BC))=30°= C'CH =30° = sin30° CH Loy Lo 2B V3.
cc' 2 2 2

Do d6 V e e = C'H.S 1y = C’H.%AB.AC.sin 60° = /3.1 >33, % - %7

Cau 7: (THPT Chuyén Thai Binh-lan 1-nam 2017-2018) Cho hinh chop S.4ABCD c¢6 SA vudng goc
v6i mit phing (4BCD), ddy ABCD la hinh thang vuéng tai A va B c6

AB=a, AD =3a, BC = a. Biét SA=a~/3, tinh thé tich khdi chép S.BCD theo a.

3 3 3
A. 2434, B. V3a : C. 23a . D. V3a .
6 3 4
Loi giai
Chon B
S
D
B C
Taco V0 ; SA.Sycp-
.y 1 1 1 1,
Laico Syep =S, 500 —Susn = EAB.(AD +BC)- EAB.AD = EAB.BC =>4
3
Ma Sd=a3=V, ., = af @ g/—

Nhén xét: Néu dé bai bo gia thiét AD =3qa thi s& giai nhu sau:



1 11 1 a3
-

Ta cod V yop = ESA.SBCD = gSA.Ed (D,BC).BC = gSA.AB.BC =

Cau 8: (THPT Chuyén Thai Binh-lin 1-nam 2017-2018) Cho hinh hop 4BCD.A'B'C'D' thé tich 1a V.
Tinh thé tich cua t& dién ACB'D’ theo V.

AL B. L. p. L
6 4 3
Chon D
B
Ta c6 ngay két qua sau Viewp =V _(VB"ABC epep Ve + VA.A'B'D')‘
, 1 1V 4
Luwy Vi sse =Vewer =Voaco =Viasgp = EVABC.A‘B'C‘ = 55 =>Viewp =V _4'5 = ?

Cau 9: (THPT Hoa Lw A-Ninh Binh-1an 1-nam 2017-2018) Goi n 13 s& canh cta hinh chép cé 101 dinh.

Tim n.

A. n=202. B. n=200. C. n=101. D. n=203
Lo gidi

Chon B

Ta c6: khdi chop c6 day la da giac n canh thi ¢c6 n+1 dinh, n+1 mit va 2n canh.
Khi d6 khdi chép c6 101 dinh, do d6 da giac ddy c6 100 canh, suy ra khdi chop c6 200 canh.

Cau 10: [2H1- 4] (THPT Hoa Lw A-Ninh Binh-lan 1-ndm 2017-2018) Cho hinh ldng tru tam giac déu [l cé6 tat ca cac
canh bangll. Goill, [l Ian Iwot Ia trung diém cta cac canh I vall. Mit phingl citcanhl taill.

Tinh thé tich [ khai da diénll.

Al B. c.l .l

Loi gidi

ChonB

Il

Goill 12 giao diém cta cac dwongll; [ vall. c6ll;0; P Ian Iwot Ia trung diém cta cac canh ;[ val.
Vill deéu canhl nénll.

0 (2).

Vill 1atrung diém cGall nénl. Vil 1a trung diém ctall nénl (2).

Tir (1) va (2) tacoll.



Cau 11: (THPT Hoa Lw A-Ninh Binh-1an 1-nam 2017-2018) Cac duwong chéo clia cadc mat mot hinh hop
chi? nhat bing /5, V10, +/13. Tinh thé tich ¥ cta khdi hop chit nhat do.

A.V =6. B. V =5426. C.V=2. D.Vzg.
Lo gidi
Chon A
A! _D'
B! : C' ,///,
:’fli’-,: ----- R AR D
B C

Gid st AC =+/5, CD' =410, AD' =/13.

Dit AD=x, AB=y, A/AA=z=V =xyz.
x’+y*=BD* =5 x* =4

Taco 4y’ +z2°=A'B* =10 =<y’ =1 =V =xyz=6.
2 +x*=A'D*=13 z°=9

Cau 12: (THPT Hoa Lw A-Ninh Binh-lan 1-ndm 2017-2018) Cho hinh bét dién déu canh a. Goi S la téng
dién tich tat ca cdc mat cla hinh bat dién d6. Tinh S .
A. S=84>. B. S=43a". C. S=2/34>. D. S=34".
Lo gidi

Chgn C

Hinh bat dién déu c6 tam mat 1a tam giac déu canh a.

2
Viy §=8.2 f:zﬁa?

Cau 13: (THPT Hoa Lw A-Ninh Binh-1an 1-nam 2017-2018) Cho lang tru ditng ABC.A'B'C’ c6 day la tam
gidc déu canh a. Budng thang AB' hop véi ddy mot géc 60°. Tinh thé tich V' cla khéi lang tru

ABC.AB'C'.
3 3 3 3
A V=L B.v=2. cv=>2 D.v=2.
2 4 4 2
L& gidi

Chon C



A’ C'
N\
B!
Taco A4 L (A'B'C’) nén (AB;(AB'C'))= ABA' = 60°.
Suy ra: 44" = A'B'.tan60° = a3 .

'3 _3d
¥

Thé tich khéi lng tru 18 ¥ = AA'S, p0 = ar/3. ;

Cau 14: (THPT Hoa Luw A-Ninh Binh-lan 1-nam 2017-2018) Cho khdi hép ABCD.A'B'C'D’ c¢6 thé tich
bang 9. Tinh thé tich khoi t&r dien ACB'D’.

A3, B. 2. C. 6. p. 2.
2 4
Loi gidi
Chon A
B!
Goi & va V lan lugt 1a chiéu cao va thé tich khbi hop.
Ta co
Viewn =Sapcp h
11 2. 1.9
Vg =V =W yoper =V =4==8 oy h =V -V ==V ===3,
ACB'D B'CD'C 3 2 ABCD 3 3 3

Cau 15: (THPT Lé Hong Phong-Nam Dinh-lan 1-ndm 2017-2018) Cho léng tru diing ABC.A'B'C’ c6 day
la tam gidc déu canh a . Mt phang (AB'C') tao vdi mat ddy géc 60°. Tinh theo a thé tich khéi ling

tru ABC.ABC'.
3 3 3 3
A-V=3a8\/§- B.V:az\/g. C.V=3a4\/§. D.V:af.

Loi giai
Chon A



c’ M B

. A'M 1 B'C' .
Goi M 1atrung diém B'C'.Tacé = B'C' L AM nén géc giita mat phang (AB'C')
AA'1L B'C'

tao véi day Ia goc AMA' = 60° .
3a

Tam gidc AA'M vudngtai A' nén AA'= A'M .tan60° = 5

_ 3a3\/§

Vay thé tich khéi lang try ABC.A'B'C'1a V = AA'S ;50 = g

Cau 16: (THPT Chuyén Bac Ninh-Iin 1-nim 2017-2018) Cho hinh chép S.4BCD c6 day ABCD la
hinh vudéng canh «, hai mit phang (SAB) va (SAD) cing vuéng goc v6i miat phang

(ABCD) ; goc giita dudng thing SC va mit phing (4BCD) bang 60°. Tinh theo a thé tich

khdi chop S.4BCD .
3 3
A. 3. B. "‘/g. C. “‘/g. D. 3v24°.
9 3
Loi giai

Chgn C
S

B C

(
Tacod (SAD) 1 (ABCD) =541 (ABCD)
(SAB)N(SAD) =54
= AC 1a hinh chiéu vudng goc cia SC 1én mit phang (ABCD)

= (SC. (4BCD)) = SC4 = 60°
Tam gidc SAC vudng tai A c6 SA= AC.tan60° = a/6 .

3
Khi d6 Vg5 :%.SA.SABCD zé,a S o %.

Cau 17: (THPT Xuan Hoa-Vinh Phic-nam 2017-2018) Thé tich cua chop tam giac déu cé tat ca cac

canh déu bang a 1a



A V2 g 42 a\2 a2

. . . . . D.
4 2 6 =

Loi giai

Chon D
Cach 1: Theo tir ludn

Goi O la tim mat day (ABC) va I 1a trung diém canh BC.

S.ABC 1a hinh chép tam gidc déu nén SO L (4BC).
ASAO vudng tai O co6:

AO:EAlzg.&:@:ssoz SAZ—AOZ:aﬁ.
3 372 3 NE)
PENE)

SABC:T'

~ 2 s e , A \ 1 1 a\/z az\/g as\/z
Vay thé tich khoi chop can tim la: V .. =—SO.S ;- =§\/§ 2 = T

Cdch 2: Tinh bang céng thirc tinh nhanh.

Hinh chép tam giac déu co tit ca cac canh déu bang « 13 hinh ti dién déu canh a.
3
a2
=>V= 2 .
12

Cau 18: (THPT Xuan Hoa-Vinh Phtic-nam 2017-2018) Cho hinh chép S.ABC. Goi M, N lan luot 1a

R 5 ’ ’ A V
trung diém cta SA4, SB. Tinh ti s6 —S45<

VSAMNC

A. 4. B. C.2. D.

N | —
NG

Loi giai.
Chon A



Ta co = —
Vesnve SM.SN.SC

Visse _ SASB.SC _,

Cau 19: (THPT Xuan Hoa-Vinh Phuic-nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD 1a hinh
vudng canh 2a, canh SB vudng goc véi ddy va mit phang (SAD) tao véi ddy mot goc 60
Tinh thé tich khdi chop S.4BCD .

3 3 3 3
A.V:3a\/§ BV:3a\/§ c 8ax/§ :4a\/§.

. . C.V= . D.V
4 8 3 3

Loi giai
Chon C

SB 1 (ABCD)
Ta co:
AD < (ABCD)

}:SBJ_AD ma AD 1 AB= AD 1 S4.

(SAD)N(ABCD) = 4D
AB L AD, AB c (ABCD) = ((SAD);(ABCD))=(S4; AB) = S4B = 60’
SA L AD,SA < (S4D)

3
Ta co: SB=BD.tan60 =2a+/3 . Vay V = %SB.SABCD = %2(1@.4612 _8a\3

3



Céu 20: (THPT Xuan Hoa-Vinh Phiic-nam 2017-2018) Cho hinh chép tir giac déu S.ABCD c6 chiéu
cao bang %, goc giita hai mét phing (SAB) va (ABCD)béng o . Tinh thé tich cua khéi chép
S.ABCD theo h va «.

30’ 4n’ RY/N 3n°
: —. B. —. C. —. D. —.
4tan” o 3tan” o 3tan” o 8tan“ o
Loi gidi
ChonB

Goi O 1atdm cla day. Do S.ABCD 14 hinh chép ti gidc déu nén SO L (ABCD), cac canh bén bang
nhau va day |13 hinh vuéng. Goi [ la trung diém cla AB,tacé SI 1 AB suy ra géc gitra hai mat
phang (SAB) va (ABCD) béng SIO=a.

Taco: Of = 50 = suyra AD=20I = . Vay thé tich hinh chép S.ABCD :
tanSIO tana tan o
1 1 on Y 4n
V==80.S =—.h. = )
3 A3 (tana] 3tan’ &

Cau 21: (THPT Son Tay-Ha Noi-Ian 1-nam 2017-2018) Cho |3ng try tam gidc déu ABC.A'B'C’ c¢6 canh déy
bang a géc gitta duwdng thang A'C va mat phang day bang 60°. Tinh thé tich khdi lang tru
ABC.A'B'C’ theo a.

3 3 3 3

A% B. L. C. V3a . p. L.

4 12 4 4
Lo giai

Chgn A



A' C’

Vi AA4' 1 (ABC) nén goc giita duong thang 4'C va mit phang day 1a A'CA = 60°.
= AA' = atan 60° = a/3.

2 3
@3 53
4 4

Vay Vpe ope =

Cau 22: (THPT Son Tay-Ha Noi-lan 1-nam 2017-2018) Cho khéi chép tam gidc déu S.ABC cé canh déy
bing a, SA=a/3. Tinhthé tich ¥ clia khéi chép S.4ABC.

3 3 3 3
A.V:\/ga . B.V:\/ga . g.V:*/Ea . D.V:\/Ea :
24 6 6 2

Loi giai

Chon C
S
4 C
M
B

Goi M la trung diém ciia BC. O 1a chan dudng cao ha tir S xuéng mit phang (ABC )

2
Taco S, :ﬁ;AM: a3 4p-aP3
4 2 3

2a\/€

Xét tam giac vuong SAO c¢6 SO =+/S4° — A0* = 3

1 &3 2a\/g_a3\/§

Vay V. =—.
Y Vs asc 37 4 3 6
Cau 23: (THPT Son Tay-Ha Ni-lan 1-nam 2017-2018) T& dién déu cé bao nhiéu m3t phang d6i x(rng?
A. 2. B. 3. C.6. D. 9.

Loi giai
Chon C



A
C
A

VN

C
GoiM,N,P,Q,R,S lﬁnluqtlétrungdiémcéccanh AB, BC, CA, AD, DC, BD
Céc mit phing doi xtmg cta tir dién déu ABCD la: (ABR), (BCQ), (CAS), (ADN),
(DCM), (BDP).

Vay tir dién déu c6 6 mit phang ddi ximg.

M

4
0
B D B D
D

N

A
B D
R
C C
A A
B D B
N
C C
Cau 24: (THPT Son Tay-Ha Ngi-lan 1-nam 2017-2018) Cho hinh chép S.ABC cé ddy la tam gidc déu canh

a, mat phang (SAB) vudng goc v&i mit phang (ABC) va tam gidc SAB vudng cantai S . Tinh thé
tich khéi chép S.ABC theo a.

3 3 3 3
A.a‘g. B.“‘/g. C.aﬁ. D.“‘g.
12 - 24 3 4

Lo gidi
Chon B

SH 1 AB
Goi H latrung diém cla AB . Khi do: (SAB) 1 (ABC) =SH L (ABC)
(SAB)N(ABC)= 4B

Vi ASAB vubngtai S nén SH=%AB=%
1 _l a*~3 a _ a3\/§

Vay V. ==8, 50 SH =—. .
Y Vs.asc 3 Daasc 374 24

Cau 25: (THPT Chuyén DH Vinh-GK1-nam 2017-2018) Hinh 1dp phuong c6 tat ca bao nhiéu mat
phing d6i xtng?



12.

6.

=]

A. 15.

Loi giai

Chon B

v

L -




Cau 26: (THPT Chuyen DH Vinh-GK1-nam 2017-2018) Cho hinh hop dimg ABCD.4 B,C,D, c6 day
ABCD 1a hinh vudng canh a, dudng thing DB, tao véi mit phiang (BCC,B,) goc 30°. Tinh
thé tich khdi hop 4BCD.A4,B,C,D, .

a2

A 3. B. V2. C.a. D. 3

Lo gidi

A

Tacé DC L(BCC,B,) suy ra hinh chiéu cia DB, 1én (BCC,B,) 1a CB,

 (DB.(BCCB,))~ (DBCB,) - DBC -30°

Xét ADB,C vuéng & C ¢6 tanli?l\(fz%Q tan30°=%:>B1C=a\/§

1 1

Xét ABBC vudng & B ¢6 BB, =+|BC* —BC* =3d* —d* = a2
Thé tich khéi hop ABCD.AB,.C.D, 1a V =BB,.S ., =aN2.a> =a’*2 .

Cau 27: (THPT Chuyen DH Vinh-GKl1-nam 2017-2018) Cho hinh chép S.ABCD c¢6 day ABCD la
hinh vuéng canh a, S4=3a va SA vudng goc véi mit phang day. Tinh thé tich khdi chop
S.ABCD .

3

A. "? B. 94°. C. 4. D. 34°.

Loi giai
Chon C



Y

Ta c6 dién tich ddy ABCD: S ,,., =a’.
Duong cao S4=3a.

Vay thé tich khbi chép S.ABCD 1a V =§SABCD.SA =%.a2.3a =a.

Céu 28: (THPT Chuyén DH Vinh-GK1-nam 2017-2018) Cho hinh lang tru 4BC.A'B'C" ¢6 day ABC

Cau 29:

la tam gidc vudng tai B, AB=a, BC = a3, goc hop boi duong thing A4' va mit phang
(A'B'C’) bang 45°, hinh chiéu vudng goc cua B’ 1én mit phing (ABC) trung véi trong tim
ctia tam giac ABC . Tinh thé tich khéi ling tru ABC.A'B'C’.

3
A. £a3. B. £a3. C. a’. D. a__
9 3 3
Loi giai
Chon A
A!
/ C’
A {
H:Z\M
G .
B C

Goi M latrung diém AC, G latrong tdm tam gidc ABC . Ta duoc: B'BG = 45° (do (A’B’C’)song
song (ABC) va AA'songsong BB').Suyra BG=GB'=h.

M3t khac AC =/ AB* +BC? =a* +3a* =24 BM=§=a.

2
Suyra h:GB'=GB=2?a;B=SAABC:%BA.BC:Q 2‘/3

. 1 1 &*\3 2a &3
Vay VABC.A'B’C’:EB'hZE- 2 .?: 5
(THPT Yén Lac-Vinh Phtic-Iin 1-nim 2017-2018) S6 mat phang d6i xting cuia hinh lap

phuong la:



Loi giai
Chon C
A M D
Q7
. N R
B i C
I
J ! K
B O D
AT s
B’ [7] C’

Hinh 1ap phuong c6 9 mat phang dbi xtng.

Cho hinh 18p phuong ABCD.A'B'C'D" ¢6 céc trung diém cua cac canh nhu hinh bén, khi d6 9
mat phang do6i xtrng cua hinh 1ap phuong la

(ABC'D'), (ADC'B"), (DCB'A"), (CBA'D'),

(Acc'4’), (BDD'B'),

(MNOP),(QRST) ,(1JKL).

Cau 30: (THPT Yén Lac-Vinh Phtic-lIin 1-nam 2017-2018) Cho hinh chép tam giac déu co canh day
bang a va canh bén tao véi day mot goc ¢ . Thé tich ciia khbi chop d6 bang

3 3 3 3
A a tan(p. B. a cotqo. C. a tanqo_ D. a cot(p.
12 12 6 6

Loi giai
Chgn A

S

A C
a M
B
Xét hinh chép tam giac déu S.ABC. Goi M la trung diém BC, G la trong tAm cia tam giac
déu ABC canh a thi AM = "\2/5 ; SG L(A4BC), SG 1a chiéu cao cta hinh chép nén
SAG=¢.
2 2
Ta cb: S,y =~ AM.BC = 1. B_aV3
2 2 2 4
Xét tam giac SGA vuong tai G, SAG = v, AG :§AM = a3 : SG=AG.tangp :@
2 3

Vay thé tich hinh chép S.ABC: V = %SG.SAABC - % aﬁ;an(/’ a f _a gn‘” .Chon A

Cau 31: (THPT Yén Lac-Vinh Phtic-Ian 1-nam 2017-2018) Cho hinh chép déu S.4BC c6 canh day
bang a, gbc gitra mot mit bén va mit day bang 60°. Tinh d dai dudng cao SH.



A. SH = B. SH=—— C. SH=— D. SH=——-
3 2 2 3
Loi giai
Chon C
g

B
Goi H la trong tam tam giac ABC. Vi S.4ABC 1a hinh chop déu nén SH L (ABC ) .

Trong tam giac vuong SHM c6 SH = HM .tan 60° = %\/— = %.

Cau 32: (THPT Yén Lac-Vinh Phtic-lin 1-dé 2-nam 2017-2018) S6 mit phang d6i ximg cua hinh 1ap

phuong la:
A. 6. B. 7. C. 8. D. 9.
Loi giai
Chon D
A M D
Q-
B i N R
I ¢
J ! K
P
T )
B’ (9] c’

Hinh 1ap phuong c6 9 mat phang d6i xtng.

Cho hinh 18p phuong ABCD.A'B'C'D" ¢6 céc trung diém cua cac canh nhu hinh bén, khi d6 9
mat phang do6i xtrng cua hinh 1ap phuong la

(ABC'D'), (ADC'B"), (DCB'A"), (CBA'D'),

(Acc'4’), (BDD'B'),

(MNOP),(ORST) ,(IJKL).

Cau 33: (THPT Yén Lac-Vinh Phiic-Ian 1-dé 2-nim 2017-2018) Cho hinh chép tam giac déu c6 canh
day bang a va canh bén tao v6i ddy mot goc ¢ . Thé tich ctia khdi chop d6 bang
a’ tan @ a’ cotp a’ tan ¢

3
. . B. . C. . p. 4.0t
=T 12 6 6

Loi giai




Chgn A

A C
a M
B
Xét hinh chop tam gidc déu S.ABC. Goi M la trung diém BC, G 1a trong tdm ciia tam gidc
déu ABC canh a thi AM = % ; SG L(ABC), SG 1a chiéu cao cta hinh chép nén
SAG=¢.
2 2
Tacd: S,y =~ AM.BC = 1.4 B a3
2 2 2 4
Xét tam giac SGA vuong tai G, Sial\ng), AG :§AM :# : SG = AG.tango:@
2 3
Vay thé tich hinh chép S.4BC: V = %SG.SAABC - % “ﬁ;aw a f _4 g‘"” . Chon A

Cau 34: (THPT Yén Lac-Vinh Phtic-Ian 1-dé 2-nam 2017-2018) Cho hinh chép déu S.ABC c6 canh
day bang a, goc giita mot mat bén va mat day bang 60°. Tinh d6 dai duong cao SH.

avl B. sH =93 C.sH=2. D. sH =43

A. SH =

3 2 2 3
Loi giai

Chon C

Goi M 1 triung diém ctua BC
(SBC)N(A4BC)=BC
Vi {SM < (SBC):SM L BC = SAM =60°.
AM < (ABC): AM 1 BC
Goi H la trong tim tam giac ABC. Vi S.ABC 1a hinh chop déunén SH L (ABC )



Trong tam giac vudng SHM c6 SH = HM .tan 60° = %\/_ = %.

Cau 35: (THPT Yén Lac 2-Vinh Phiic-Ian 1-nam 2017-2018) Néu mot khdi hop chir nhat c¢6 do dai cac
duong chéo cua cac mat lan luot 1a \/g , \/E , \/B thi thé tich khéi hop do bﬁng:

A. 8. B. 4. C.6. D. 5
Loi giai

Chon C

Gia st cac kich thude cua hinh hop chit nhat lan luot 1a a, b, c.

a’+b* =13 a’+b* =13 a’=9 a=3
Tacod: sa’+c’ =10 ={a’~b*' =5 <b* =4 <{b=2

b*+c* =5 b*+c* =5 ¢’ =1 c=1
Thé tich khoi hop chit nhat1a ¥V =ab.c =3.2.1=6

(THPT Yén Lac 2-Vinh Phic-lin 1-nam 2017-2018) Cho khéi chop déu S.4BC c6 canh day bang
a~/3 . Tinh thé tich khéi chop S.4ABC biét goc giita canh bén va mat day bang 60°.
A. “3\/5. B. 3@ C. “3\/5. p. 3%
6 4 12 6
Loi giai

Chon B



Goi M 1a trung diém cta BC va H 1a tam tam giac déu ABC . Vi khdi chop déu S.4ABC nén
SH 1 (ABC) va SAH = 60°.

2 2 V343 _

Tam giac ABC déu c6 do dai canh la a3 nén AH = EAM = 3 2

Trong tam giac vudng SAH tacd SH = AH.tan60° = a. V3 =a 3.

: a3) B
Vay thé tich S.ABC 1a V ;. =§-SAABc-SH =3 ( 2 a3 = 3“

Cau 36: (THPT Yén Lac 2-Vinh Phtic-Ian 1-nam 2017-2018) Cho lang try tam gidc ABC.A'B'C’ ¢6

day ABC la tam giac déu canh a va diém A’ cach déu A4, B, C biét A4’ = 2a;/§. Thé tich
lang try la
a’*~10 a*\3
. B. D. .
4 - 4
Chon D

Goi O 1a tam tam gidc déu ABC khi d6 O cach déu ba diém 4, B, C. Do d6 tir gia thiét 4’
cachdéud, B, C,tacé A'O L(A4BC).

2
Trong tam gic vudng OA4' tacd OA'= 4;’ _("\3/3 J _

2 3
Vay thé tich ABC.A'B'C' 14 V e ypee =S, 1y A0 =1 f a=2 f.




Cau 37: (THPT Nguyén Khuyén-Nam Dinh-Ian 1-nam 2017-2018) Cho hinh chép tam gidc S.ABC c6
thé tich bang 8. Goi M, N, P lan lwot 1a trung diém cac canh AB, BC, CA. Tinh thé tich
khoi chop S.MNP.

A. 3. B. 6. C.2. D. 4.
Loi giai

Chgn C
s

B

Goi & la chiéu cao hinh chép S.ABC. Tacod V, 0 = %h.SABC =8.

Mit khac S, =%SABC va Ve, = %h.SMNP.

Suy ra V ,p = VSZBC =§= 2.

Cau 38: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nim 2017-2018) Lang tru tam gidc déu 4ABC.A'B'C’
c6 canh day bang 4 va dién tich tam gidc 4'BC bang 8. Tinh thé tich khdi lang tru d6.

A. 8/3. B. 6+/3. C. 43. D. 24/3.

Loi gidi

Sai Chon D Sira Chon A

Tam giac A'BC latamgidccantai A'.



Goi H latrung diém BC.Khidé, A'H 1a dudng cao cla tam gidc 4'BC.

Theo gia thiét, ta cé
S —lA'HBC—8:>A'H—————4
MBe T BC 4

Trong tam gidc vubng A'AH ,ta co

2
AA=NAH> - AH* = 16—(#} =2.

1643

SAABC = T

16\/3 2\/3.

Vay Vipe sper = AASy e = Z'T B
Trinh bay lai :

2
Do AABC déu, BC =4 nén SMBC:#:N?.

43

Goi H latrung diém BC :>AH273:2\/§.

Khi d6, A'H la duong caocia AA'BC.
Theo gia thiét, ta cé

1 16 16

S —AHBC=8=AH=—=—=4.
2 BC 4

AABC ~

Trong tam gidc vuéng A'AH ,ta co
43
AA=NAH*-AH* = 16_(7} =2.

Vay Viscase = AIA'SAABC = 2~4\/§ = 8\/§

Cau 39: (THPT Nguyén Khuyén-Nam Dinh-lan 1-ndm 2017-2018) Cho lang tru tam gidc ABC.A'B'C’ ¢6
déy ABC latam gidc déu canh 2a. Hinh chiéu cia 4’ 1én mét phang (A4BC) trung vdi trong
tam tam gidc ABC . Biét géc giita canh bén va mat ddy bang 60°. Tinh thé tich kh&i l3ng tru

ABC.A'B'C'.
3 3
A. "f. B. 4a°/3. C. 24°3. D. af.

Loi gidi



Chon C vé lai hinh cho thodng

L=y

Goi H 1a trung diém canh BC va G la trong tdm tam gidc ABC.

racs 4G -2 app 2 24N3 23
37 3 2 3

Do A'G L(A4BC)= A'AG 1a géc gitra canh bén va mit phing day.
Theo gia thiét, ta co: AAG = 60°.

Trong tam gidcvuéng A'GA,taco: A'G = AG.tan A/AG = 2a3\/§ 3=2a.

2a)’ 3
VAY Ve ipe = A'GS, e = 2a.% = 24°\3.

Cau 40: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nam 2017-2018) Cho hinh chép S.4BCD c6 day
ABCD 1a hinh chi* nhat, AB=a, AD =2a.Tam gidc SAB cantai S va nam trong mat
phang vudng géc véi dady. Dudng thang SC tao véi day mot géc 60°. Khi dé thé tich cla khoi
chép S.ABCD bang

3 3 3 3
A.a*/ﬁ. B.“‘/ﬁ. C.a‘/ﬁ. D.a‘/ﬁ.
3 3 9 6

Giai:
Chon A

Goi H la trung diém AB



Ta c6 tam gidc SAB cantai S = SH L AB
SAB) L (ABCD

| )L ) nén SH 1L (ABCD).

(SAB)(ABCD) = 4B

= HC 1a hinh chiéu vuong géc ctia SC 1én mit phang (ABCD) .

= (SC.(4BCD))|=(SC.HC)=SCH = 60°

Mat khac
Tam giac HBC vuodngtai B ¢6 HC = BH* + BC* = a\éﬁ
Tam giac SHC vuong tai H c6SH = HC.tan 60° :@.ﬁ_

Khi d6 thé tich khdi chop S.ABCD 1a V .., :%SABCD SH ,v6i S 0 =24
g ar N
N

Cau 41: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nim 2017-2018) Cho hinh chép S.ABC c6é ddy ABC
la mét tam gidc vuéng tai 4, BC =2a, ZB\C =60°. Goi M latrung diém BC.Biét

Va V——2
Y 3

SA:SBzSM:a\é@. ' (4BC).
A.d=3a . B.d=a. C.d=2a. D.d=4a.
Loi giai

Chon C

Trong AABC ¢6 AB=BC.cos60°=a = AABM déuva SA=SB=SM nén hinh chiéu cia S
1én (ABC) tring véi diém H 1a trong tim cia AABM = d = SH .
2 a3 af

Trong AABM co6 HM—— —:—

Suyra SH =~/SM’> - HM* = —3L

CAu 42: (THPT Hai Ba Trung-Vinh Phtic-l1an 1-nam 2017-2018) Cho hinh chop tt giac déu S.4BCD.
S6 mat phing di qua dinh S va cachdéu 4, B, C, D la
A 4. B. 2. C.3. D. 1.



Loi giai
Chon C
Co6 ba mat phfmg di qua dinh S va cach déu A4, B, C, D:Pé la hai mat phéng chtra truc cua
hinh chép tir gidc déu S.4BCD va di qua trung diém ciia hai canh ddi dién ctia day,mat con lai

1a mit phang di qua dinh S va song song véi (ABCD)

Cau 43: (THPT Viéet Tri-Pht Tho-Ian 1-nam 2017-2018) Khi ting do dai tat ca cac canh clia mot khéi hop
chit nhat |1&n gap déi thi thé tich kh&i hop tuong tng sé:
A.Tang 2 lan. B.Tang 8 lan. C.Tang 4 lan. D. Tang 6 lan.
Loi gidi
Chon B
Goi a, b, ¢ la ba kich thudc ctia khéi hop chit nhat = thé tich khéi hop la V, = abc.

Téng cac kich thudc 1én gap dbi thi thé tich khéi hop tuong ing la V, =(2a)(2b)(2¢) =8abc =8V,.

Cau 44: (THPT Viét Tri-Phtt Tho-Ian 1-nam 2017-2018) Cho hinh chép S.ABCD cé déy la hinh vudng

canh bing 2a. Tam gidc SAB can tai S va nam trong méit phang vudng gdc véi mit phang ddy. Biét
. , . 4ad’ .
thé tich khéi chép S.ABCD bang %. Khi dé d6 dai SC bang

A. J6a. B. 3a. C. 2a. D. 6a.
Loi giai
Chon A

Goi H la trung diém AB .
(SAB) N(ABCD)= 4B

Taco {(SAB) L(ABCD) =SH L (ABCD)
SH 1 AB

3 3
V:%.SH.SABCD :4% o SH=Y _

_4_az_

HC = BH? + HC? = a\J5 ; SC=~ISH* + HC* =\d* +5a* = a6

Cau 45: (THPT Viét Tri-Phtt Tho-lan 1-nam 2017-2018) $& canh clia m6t khdi chdp bat ki ludn 13
A. Mot s6 chin 16n hon hodc béng 6. B. Mot sb chin 16n hon hodc bﬁng 4.
C. Mot s6 1. D. Mot s6 1é 16n hon hodc béng 5.
Loi giai
Chon A
Gia str da gidc ddy cta hinh chép c6 n canh, (7 >3).Khi d6 da gidc déy c6 n dinh, két hop cac
dinh d6 véi dinh cua hinh chop ta s€ c6 thém » canh bén.
Vay s canh ctia hinh chop 1a 2n>6.



Cau 46: (THPT Viét Tri-Phtt Tho-lan 1-nam 2017-2018) Cho lang try tam giac déu ABC.A'B'C’ canh day
a =4, biét dién tich tam gidc A'BC béang 8. Thé tich khai lang tru ABC.A'B'C' bang
A. 243. B. 104/3. C. 4/3. D. 8/3.

Loi giai

Chon D

H

AABC déucanh a=4 nén S, . SYNCE

Goi H 1a trung diém ctia BC. Ta c6: AH =2+/3 va BC L(A'AH) = BC L A'H

VA S, s =%BC.A’H = AH=4

AA'AH vudng tai A nén AA' =~ AH> - AH> =2.
Viseape = A4 Sype = 2.4\/§ = 8\/5.

Cau 47: (THPT Thach Thanh-Thanh Héa-nam 2017-2018) Kim tu thap Ké-0p & Ai Cap duoc xay

dung vao khoang 2500 nam trudc Cong nguyén. Kim tu thap nay 1a mot khdi chop tir giac déu
c6 chiéu cao 147m, canh day dai 230m. Thé tich cta no 1a:

A. 7776300 m’. B. 3888150 m’. C. 2592100 m’. D. 2592100 m>.

Loi giai
Chon C

Thé tich khdi chop 1a ¥V = %2302.147 =2592100 m’.

Ciu 48: (TT Diéu Hién-Can Tho-thang 10-nam 2017-2018) Cho hinh chop tam gidc S.4ABC c6 day

ABC la tam giac vuong tai 4, AB=a, AC =2a, canh bén SA4 vudng goc voi mat day va
SA4 = a. Tinh thé tich V' cua khbi chop S.4BC.

3 3

A V=L B.V=d. cr=%, D.V
2 4

a
3

Loi giai
Chon D



Taco: V= .%a.Za.a =—.

3

W | —

Cau 49: (TT Diéu Hién-Can Tho-thang 11-nam 2017-2018) Cho hinh chop S.ABCD c6 ddy ABCD la

1

hinh thang vuong tai 4 va B, AB=BC = EAD =q. Tam giac SAB déu va nim trong mit

phang vudng goc v6i day. Tinh thé tich khéi chop S.ACD.

a’ a’ aS\/E
A. VSAACD :7- B. VSAACD :?- C. VSAACD :T .

Loi giai

Chon D
Goi H la trung diém canh 4B

(S4B) L (ABCD)
Ta ¢6 <(SAB)N(ABCD)= AB=> SH 1 (ABCD)
SH 1 AB

Khi d6 V., =%SA.SACD.

VOi S,cp =S mep —Sipe = %AB(AD +BC) —%AB.BC =a’; S4= “\2/5
32r

Vay —.
» 15

. VSAACD =



Cau 50:

Cau 51:

(THPT Quang Xwong-Thanh Héa-lan 1-nam 2017-2018) Cho hinh chép S.4BC c6 day
ABC 1a tam giac vudng cin tai B véi AC =a. Biét SA vudng goc voi ddy ABC va SB tao
v6i ddy mot goc 60°. Tinh thé tich ¥ ciia khbi chép S.4BC.

a*\J6 a*\3 a*\J6 a*\J6

A V= . B. V= . C.V= . D. V= .

24 24 8 48
Loi gii.

Chon A

a\2

Xét AABC vudng can tai B v6i AC=a: AC* =2AB* = AB = =

Do SA L (ABC) nén hinh chiéu cia SB xubng mit phang ABC 1a AB. Géc gilta SB va mit

day 1 goc SBA =60°. Xét ASAB vudng tai A: SA= AB.tan 60° =2

R 1 1 a6
Vay Vs uzc :gSABC'SA :gABz.SA = Y

6
5

(THPT Quing Xwong-Thanh Hoéa-lan 1-nim 2017-2018) Cho khdi chép S.4BC co diy
ABC 1a tam gidc déu canh a va hai mit bén (S4B), (SAC) cing vudng goc véi ddy. Tinh thé

tich khéi chép S.4BC biét SC = aq/3.

3 3 3 3
A.2“*/g. 5.‘“/3. C.“‘/g. D.‘“/g.

9 12 4 2

Lo gidi
Chon B
S
A C
B
(S4B) L (ABC)

Tacé {(SAC) L(4ABC) =S4 L(4BC).
(SAB)(SAC) =S4

Canh SA=+SC* - AC* =\3a* —-a* =a 2



3
=V ape = %SA‘SABC = %a\/z.%az sin 60° = 01\2/6‘

Ciu 52: (THPT Quang Xwong-Thanh Hoéa-lan 1-nam 2017-2018) Cho hinh chép S.4BCD c6 day
ABCD 1a hinh chit nhat, ASAB déu canh a nam trong mit phang vudng goéc voi mit phang
(ABCD). Biét mat phang (SCD) tao véi mat phang (ABCD) mét géc bang 30°. Tinh thé
tich V' ctia khdi chop S.ABCD .

3 3 3 3
NS gy 93 ¢ yoa3 @3

B. . . D. V= .
8 4 2 3

Loi giai
Chon B

3

Goi E 1a trung diém ca 4B, SE = “T SE 1 (ABCD). Goi G 1a trung diém cta CD.

Suy ra: ((m)) = SGE =30°,

£G=_5E :a\/g.f=3—a:>AD=BC=3—a.
tan30° 2 2 2

3a_3d’ 1 1 aV3 3 &'\
=S =AB.CD=a.—=——=V ==-.8E.§ =— — .

ABCD a 5 3 AaBcD T3 TS 4
Ciu 53: (THPT Quing Xwong-Thanh Hoa-lan 1-nam 2017-2018) Cho lang try ding ABC.A'B'C’ ¢6
canh BC =2a, gbc giita hai mit phang (ABC) va (4'BC) bang 60°. Biét dién tich cia tam

gidc A'BC bang 2a*. Tinh thé tich ¥ cua khdi lang try ABC.A'B'C’.

3 3

AV =34, B. V=24 C.V=a3. D.V:“‘/g

3 3
Loi giai

Chon C



Ha AHLBC tai H, do BCLAA=BCL(AAH)=BCLAH ma
2
S e =~ AHBC=2d" = AH =2 _ 2y
2 BC
Géc giira hai mat phing (4'BC) va (4BC) 1a goc AHA = 60°= AA' = A'H.sin 60° = a+/3.
Tacod S0 =8 1p0-c0860° =a>. Do d6 V iy e = AA'S o = a*3 .

Cau 54: (THPT Binh Xuyén-Vinh Phtic-nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la

hinh thoi tim O, SO L(4BCD). Cho AB=SB=a, SO = a36. S6 do goc giira hai mat
phang (SAB) va (SAD) bang & véi
A. a=90°. B. o =45°. C. a=60°. D. o =30°.

Loi giai
Chon C

Trong tam giac SOA , tir diém O ké OF L S4 (1).



BO 1 AC
Do {BO 1L SO = BO L (SAC)= BO 1L 54 (2).
SONAC=1{0)
Tir (1) va (2) suy ra SA4 L (BOE) =S4 L BE (3).
Tuong ty, ta cling c6 S4 L DE (4).
Tur (3) va (4) suy ra goc giita hai mat phang (S4B) va (SAD) chinh la géc giita hai duong
thing BE va DE .
Tam gidc SBA cantai B nén E la trung diém cua S4.

2 2

Trong tam gidc vuéng SOA , ta c6 OA=~/SA* - SO’ =, /az —2% =, /% =%.
2

Trong tam gidc vudng AOB, tacd OB =+ AB* -04> =, Iaz —% :é'

1 1 3 3 9 a2

Trong tam giac vuong SOA , ta cod = OF =

OE*> 04> SO 24" 2d°
a

Trong tam giac vuong BOE , ta co tan@:%: 3 =\/§:>l%:60°:@:120°.

a2
3

EXIS

Vy goc gitra hai mit phang (S4B) va (SAD) bang 60°.

Cau 55: (THPT Binh Xuyeén-Vinh Phtic-nam 2017-2018) Cho hinh chép S.ABCD c¢6 day ABCD la
hinh binh hanh tim O va hai mt phing (S4C), (SBD) cung vudng goc véi day. Goc giita

duong thang SB va mit phang (ABCD) 1a goc giita cip duong thing nao sau day?
A. (SB,54). B. (SB,50). C. (SB,BD). D. (SO,BD).

Loi giai

Chon C




Do hai mit phing (S4C),(SBD) cung vuéng géc véi day nén SO L (ABCD). Khi dé, O 1a
hinh chiéu cta diém S xubng day (ABCD) va géc gitta duong thing SB va mit phing
(ABCD) chinh la goc gitra SB va BD.

Cau 56: (THPT Binh Xuyén-Vinh Phtic-nam 2017-2018) Cho hinh chép S.ABCD c6 day la hinh

vudng canh a. Puong thing S4 vudng goc voi mit phang day va S4 = a. Khoang cach giita
hai duong thang SB va CD bang:

A. a3, B.a. C.a\2. D. 2a.

Loi giai

Chon B

Tac6 DAL AB, DAL SA=> DA L (SAB)=> DA=d(D,(S4B)).
Do d6 d(SB, CD)=d(CD,(S4B))=d(D,(S4B))=DA=a.

Céu 57: (THPT Binh Xuyén-Vinh Phutc-nam 2017-2018) Cho khéi chop S.ABCD c6 duong cao SA
va ddy ABCD 1a hinh thoi. Thé tich khdi chép di cho duogc tinh theo cong thirc nao sau day?
A. %SA.ABZ. B. %SA.AC.BD. C. %SA.AC.BD. D. %SA.ABZ.
Loi giai
Chgn C

Ta c6 dién tich day cua hinh chép: S, = % ACBD.



.—.AC.BD.SA.

Ta c6 thé tich khéi chop S.ABCD 1a V = %.SABCD.SA =

W | —
N | —

Cau 58: (THPT Binh Xuyén-Vinh Phtic-nam 2017-2018) Cho khéi hop ABCD.A'B'C'D’ c6 thé tich
bang 244° . Tinh thé tich ¥ cta khdi chop A ABCD?
A V=24 B. V=124, C.V=4d. D. V=84
Loi giai
Chon D

e S N

C
Thé tich V' ctia khéi chop 4. ABCD: V = %VABCD‘A,B,C,D, = %.24a3 =8a’.
Cau 59: (THPT Ngo Si Lién-Bic Giang-lan 1-nam 2017-2018) Cho hinh chép tam gidc déu cé canh ddy

bang a~/3 va canh bén tao véi day mot géc 60°. Thé tich cta khéi chép d6 bang

3 3 3 3
A B.‘“/g. c. L. p. L.
4 12 12 4
Loi giai
Chon A

Xét hinh chop tam giac déu S.4BC, O 1a tam ciia AABC, tacd SO L (ABC) .
Goc giita canh bén va mit déy: (SC;( 4BC)) =(SC;0C) = SCO..

Ta dugc: OC = %.a\/ig =a.Suyra SO=1tan60°.0C = a3 .



Dién tich day: S, zﬁ.(a\/g)z Zﬂaz.
4 4
Thé tich ctia khdi chop: V :%.a\/g.¥a2 :%cf.

Cau 60: (THPT Ngo Si Lién-Bic Giang—l‘én 1-nam 2017-2018) Hinh Iang tru tam gidc déu cé bao nhiéu mat
phang d6i xtrng?

A. 3. B. 4. C.6. D. 5.
Loi giai
Chon B
Hinh lang tru tam giac déu c6 4 mat phang dbi ximg.
Cau 61: (THPT Ngo Si Lién-Bac Giang-lin 1-nim 2017-2018) Cho hinh chép S.ABCD c6 day la hinh

vudng canh a, SA vudng goéc véi mat day, SD tao véi mat phang ddy mot géc bang 30°. Thé tich
cta khéi chop S.ABCD la

3 3 3 3
A.“‘/g. B.‘“/g. c. L D.‘“/g.
3 6 9 9
Loi giai
Chon D

B C

(sD.(4BCD)) =(SD.4D) = DA =30°.

tan SDA :ﬁ — SA = AD.tan SDA = a.tan 30° :&.
AD 3
3
Thé tich khéi chép S.ABCD 1a: Vy 1y =%.SABCD sa=lgp a3 a3

3 3 9

Ciu 62: (THPT Nguyén Dtrc Thuan-Nam Dinh-lan 1-nam 2017-2018) Cho hinh chép S.ABCD c6
day ABCD 14 hinh vudng canh @ . Mit bén SAB la tam giac déu ndm trong mit phang vudng
goc véi day (ABCD). The tich khdi chép S.ABCD la:

3 3 3
a3 V3 Y D. a’3.

A. . B. . C.
6 4 2




Loi giai:

Chon A

B C
Goi M la trung diém AB. Tam gidc SAB déunén SM L AB, két hop voi (SAB) vudng goc
véi (ABCD), ta dwoc SM L (ABCD).

Dién tich déy ctia hinh chép: S ,., =a>. Chiéu cao: SM = # .
3
Thé tich hinh cta hinh chop: V = l.SM.SABCD = l a\/g at= 4 \/5 .
3 3 2 6

CAu 63: (THPT Nguyén Dtrc Thuan-Nam Dinh-lan 1-nam 2017-2018) Cho hinh chép S.4BCD c6

day ABCD la hinh vuong. Goi £, F lan luot 14 trung diém cta SB, SD. Ti sb Lsaer bang:

S.4BCD

AL B.>. c.l. D. L.
4 8 - 8 2
Loi gidi:
Chon C
S
5
Ap dung cong thirc ti s6 thé tich hinh choép, ta co: Vourr 54 SE SF_ 1
Vs oo SA SB SC 4



11
Suyra V . = ZVSAABD = Z 5 Vs ascp -
Viy L SABF_ VS AEF _ l )
s.ascp O

Ciu 64: (THPT Nguyén Dtrc Thudn-Nam Dinh-lan 1-ndm 2017-2018) Cho hinh chép S.4BCD c6
day ABCD 1a hinh chir nhiat ¢c6 AB=a, BC =2aq. Hai mit phang (SAB) va mat phang
(SAD) cung vudng goc véi mit phing dédy, canh SC hop voéi mit ddy mot goc 60°. Tinh thé
tich kh6i chép S.4BCD theo a.

3 3
A 2‘“/3. B. 24°\/15. C. 24° 2‘“/3.

D.

A= .24, 5
Loi giai

Chon A

Do hai mit phing (S4B) va mit phing (SAD) cing vudng goc v6éi mit phang day
= S4 L (ABCD).

Vay SCA=60°; AC = a5 .

Xét tam giac vudng SAC c6 tan 60° =% = Sd=aV15.

_ 2
S pep =2a”.

Vay Vg ipep = ;SAS a\/_2 = 2\/761

O 4cp

Ciu 65: (THPT Nguyén Dttc Thuan-Nam Dinh-Ian 1-nam 2017-2018) Thé tich khéi ling try tam giac
déu co tit ca cac canh bang a la:
3 3 3 3
A 20 g, B34 c p, Y20
3 2 - 4 4
Loi giai

Chon C
Lang try tam giac déu co tat ca cac canh bang a ¢ day 1a tam giac déu canh bang a nén dién
a’\3

tichday S = la.a.sin 60° =
2 4

Chiéu cao ling tru bing a.

&3 B
BB

4

Do d6 thé tich ¥ =




Cau 66: (THPT Nguyén Dirc Thuan-Nam Dinh-Iin 1-nam 2017-2018) Mot khdi chop tam giac co
day 1a mot tam giac déu canh 6cm . Mot canh bén c6 d6 dai bang 3cm va tao voi day mot goc
60°. Thé tich cta khdi chop d6 la:

. N3,

D. —cm".
2

A. 27cm’.

Chon B

B
Goi H 1a hinh chiéu vuéng géc ciia S 1én mit phing (ABC)

Taco SH L (ABC)= AH 1a hinh chiéu vudng goc cua SA 1én mit phang (4BC)

= ($4,(4BC)) = (S4,4H ) = Sar

33

Tam gidc SAH vuong tai H c6 SH = SH.sin 6O°=T

Khi d6 V. = %SH.SABC = % cm’.

CAu 67: (THPT Nguyén Dtrc Thuan-Nam Dinh-lan 1-nam 2017-2018) Cho hinh chép S.ABCD c6
day ABCD la hinh thoi tdim O canh a, goc BCA =30°,

SO L (ABCD) va SO = %" . Khi d6 thé tich cta khoi chép 1a

3 3 3 3
A.‘“E. B.“‘/g. C.aﬁ. D.“‘g.
4 = 8 8 4
Loi giai
Chon B

Theo gia thiét 4BCD 14 hinh thoi tim O canh a, goc BCA=30° nén BCD = 60°; ABCD

déusuyra BD=a, CO:%, AC=2C0=a\3.



2
Taco S, ,0p :%AC.BD :%.a.a 3 :#; Vs iscn :%SO.SABCD voi SOz% suy ra

S.ABCD — .

34 2 8

Ciu 68: (THPT Nguyén Dtc Thuin-Nam Dinh-lan 1-nam 2017-2018) Cho ling tru dung
ABC.A'B'C’ c¢6 day la tam giac vuong can dinh 4, mat bén BCC'B' 1a hinh vudng, khoang
cach giita AB' va CC' bang a . Tinh thé tich khéi try 4BC.A'B'C’.

3 3
A d. B. V2a . C. V2a . D. \24’.
2 3
Loi giai
Chon B
C' B
AI
C K' - B
A
Vi ABC.A'B'C’ 1a hinh lang tru dimg va c6 day la tam giac vuong can tai 4 nén
BB' 1. C'A’
= C'A' L (ABB'A).
C'A 1L AB

Mait khac CC'//(ABB'A") nén C'A’ 1a khoang cach gita AB' va CC' dod6 C'A'=A'B'=a
Suyra B'C'= a2 lai do BCC'B’ 13 hinh vudng nén chiéu cao cia ling tru BB’ = a2 .

r oo 1 A a2 A \/5613
Viscase = Ssapc-BB" VO Syype = EA BAC = b Vay Viseawe = Y

Cau 69: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho hinh chép S.ABCD c6 ddy ABCD la
hinh vudng canh a, S4 L (ABCD), SC tao véi ddy mot géc 45°. Tinh thé tich V' khéi chép
S.ABCD .

3
AV =24°. B.Vz\/za ) c. V= D.V=d.

3

Loi giai
Chon B

\\4\55




Vi ABCD 1a hinh vudng canh a nén AC = av2.
Goc gitta SC va mat phang day 1a SCA=145°.
Vay ASAC vudng can = SA= AC =av2 .

NG

, Lo, s 1 2
The tich khoi chop la: V' = gaz.ax/_ = Tas .
Cau 70: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho hinh léng tru déu ABC.A'B'C’ c6 canh
day bang a, duong thang BC' tao véi mit phiang (ACC’A') mét géc 30°. Tinh thé tich ¥ cla khéi
ling tru ABC.A'B'C".

3
A.V=£a3. B.V =2, c.V:£a3. D. V=24
4 8 4 8

Chon A

Ta cé: (ABC)L(ACC'A'), goi H 1a trung diém cia AC = BH 1L AC = BH 1 (ACC'A).
Vay BH L C'H . Tir d6 suy ra goc giita BC' va (ACC'A’) 1a goc BC'H . Vay BC'H =30°.

Xét tam giac BHC' vuong tai H c6: C'H = BH :&'\/—:3_0-
tan30° 2 2

2 2
Xét tam giac C'CH vudng tai C c6: CC'= 9%—% a2

2

V3 5o

4 4

Cau 71: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho t& dién SABC c6 céc canh S4, SB, SC
vudng goc doi motva AB=5cm, BC =+/41 cm, AC =+/34 cm . Tim thé tich ¥ cdia khéi t& dién
SABC.

Thé tich khi lang tru la: ¥ =

A. 10 cm®. B. 11 cm’. C. 12 cm®. D. 14 cm?.
Loi giai

Chon A



B
Trong tam gidc S4B vudng tai S, ta cd AB* = SA”> + SB* =25. (1)

- (2)
4. (3)

Tir (1), (2) va (3) taco SA=3, SB=4,SC=5. Dod6 V; . =

Trong tam giac SBC vudng tai S, tacé BC* = SC* + SB* =41
Trong tam giac SBC vudng tai S, tacd AC* =SC* +854° =3

.1.3.4.5 =10 cm®.
2

W | =

Cau 72: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho hinh chép tam giac déu S.4BC c6 canh

day bang a vacanh bén 13 2a. M thudc canh S4 sao cho 2MS = MA. Tinh thé tich V' cda t& dién
MABC.

Jii VT Jii Jii

AV=—-a2a. B.V = . CV=—a. D.V=—a
12 14 16 18

Loi giai

Chon D

Goi D latrung diém canh BC va H, E lan luot 14 hinh chiéu vuong goc cua S, M 1én AD.

2 2a\/§_a\/§

Taco AH=—AD=—. =
3 3 2 3

2
Trong tam gidc vudng SHA c6 SH =~/SA* — AH® = /402 _% - a\éﬁ_

Mat khac, tacd ME || SH ( vi cung vudng goc véi AD ). Do do ta co




ME_AM _2_ 2o 2 el 205
SH SA4 3 3777373 )
laz\/g 2a\/§_a3\/ﬁ

Vay thé tich ¥ ctia tr dién MABC 1a V =—.
37 4 9 18

Cau 73: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Cho hinh chép S.ABCD cé day la hinh
vudng canh bang 2a, S4 vudng géc véi day va SA4 = a~/3 . Tinh thé tich khéi chép S.ABCD .

3 3
A. 283, B. 4a°+/3. C. 4“3‘5. D. 2‘13‘6.

Lo gidi

Chon C
Day 12 hinh vuéng nén S, =(2a)’ = 4a>.
Do SA vubng gbc voi dady nén h=SA4= a3.

3
! 4a2.a\/_= 4a3\/§

1
Vay,tacod: V=-S5, h=—.
Y 37Ty

Cau 74: (THPT Tam Phuwéc-Dong Nai-lan 1-nam 2017-2018) Cho hinh chép t&r gidac S.ABCD c6
M, N, P, O lan luot |a trung diém céac canh S4, SB, SC, SD . Biét khdi chdép S.ABCD c6 thé

tich 1a 164’ . Tinh thé tich kh&i chép S.MNPQ theo a.

A. 24, B.a. C. 8a’. D. 4a’.
Loi gidi
S
M 4‘ o
A D
c
B
Chon A

Cach 1: Mt phang (SAC) chia khéi chop S.4BCD thanh hai kh&i chp tam gidc S.4BC va
S.ADC , d6ng thoi ciing chia khéi chop S.MNPQ thanh hai khéi chép S.MNP va S.MQOP .
Ap dung phuong phap ty so thé tich, ta cé:

Vesp SM SN SP 1 1 Vs mor 1, 1
- =————=—nénV, =V ;va =—nén V. =V .
Ve e SA SB SC 8 smnp =gV s.aBC Ve e 8 smop = g5 Apc
, 1 1 1
Do do VSAMNPQ =Vsame + VSAMQP = g(VS.ABC + VS.ADC) = VSAMNPQ = gVSAABCD = §'16a3 =2d’.



Cach 2: Ta dé dang chi ra duoc t&r gidc MNPQ dbéng dang véi ABCD theo ty s8 % nén
1Y 1
Sunro = (Ej S 5 - DONG thi d (S,(MNPQ)) :Ed(S,(ABCD)).

Do do, ta co:
! !

VS‘MNPQ = gSMNPQ'd(S,(MNPQ)) = 3 .

1 1
S scp-d (S,(ABCD)) = 3 Vs.anen = g.16a3 =2a’.

NG

Cau 75: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Tinh thé tich kh&i chép S.ABCD c6 déy

ABCD 13 hinh vudng canh bang a, mit bén S4B |a tam gidc déu ndm trong mit phang
vuong goc vai day?

3 3 3
A.“‘/g. B. &*/3. C.“‘/g. Q.“‘g.
2 3 6
Loi giai
Chon D

Goi H 1a trung diém ctia 4B . Theo gia thiét ta co:

SH L AB
(S4B) L (ABCD) = SH 1 (ABCD).
(SAB)(ABCD) = 4B

ASAB déucanh ¢ = SH = a23 .

_ 2
Sipcp =4

3
Vay thé tich khdi chop can tim 1a: V; .., =%SH.SABCD _1 a3 =2 3 .

—. .a
32 6
Cau 76: (THPT Tam Phudc-Dong Nai-lan 1-nam 2017-2018) Thé tich cia mét khdi t& dién déu canh

bang a.

3 3 3 3
A2 g V2 c. V3 p. O3

24 - 12 6 12

Loi giai

Chon B



- Y2

i

Goi O la tim mat day (ABC) va I 1a trung diém canh BC.
S.ABC la tir dién déu nén SO L (ABC).
ASAO vudng tai O cb:

AOz%AIzE “\E:“\f = SO =~/SA* — 40° =%.

372

1 1 a\/z a%/?_a%/i

Vay thé tich khoi t& dién déu can tim 1a: V. = ESO.SABC 3/ 4 >

Cau 77: (THPT Tam Phwéc-Dong Nai-lan 1-nam 2017-2018) Cho khéi chép S.ABC c¢6 cac diém A,
B', C' Ian lugt thudc cac canh SA, SB, SC thoa 3S4'=SA, 4SB' =SB, 5SC' =3SC . Biét thé
tich khdi chép S.4'B'C' béng 5 (cm’ ). Tim thé tich khéi chép S.4BC.

A. 120 (em’). B. 60 (cm’). C. 80 (cm’). D. 100 (em’*).

Loi giai

Chon D

Ap dung ti 18 thé tich ta co:
VSAA,B,C' _ S_qu SB’ SCI

1 3
. . ———=—=V =20V, ... =100 (cm?).
VS4ABC S4 SB SC 3 5 S.4BC S.AB'C ( )

NG

Cau 78: (THPT Tam Phudc-Dong Nai-Ian 1-nam 2017-2018) Cho t& dién déu ABCD c6 canh bang a.
Tinh khoang céch tir dinh B d&n mat phang (ACD).

A. "‘/g. B. "‘/3. C. "‘/g. D. “*/5.
2 2 3 3
Léi gidi




Chgn C

Céch 1: Sir dung thé tich.

Thé tich khéi tir dién déu canh a 1a: V., =——

a’\3

ACD —
4

AACD déu canh a nén: S

3
L a'V2

Mit khac: Ve, :%d(B,(ACD)).SACD :d(B,(ACD)):3SVABCD - a2% _ a\3/€_
ACD
4

Cdch 2: Sir dung khodng cdch thudn twy. d(B,(ACD))=BH =3d(0O,(ACD)) (nhu hinh v&).

C4u 79: (THPT Tam Phudc-Dong Nai-Ian 1-nam 2017-2018) Cho mét t& dién cé ding mot canh cé dd
dai bang x thay d6i dwoc, cac canh con lai cé d6 dai bang 2. Tinh gid tri l&n nhat cda thé tich
t& dién nay.

1

A, —.
2

=




Chon D
Goi cac dinh hinh chop nhu hinh vé:

1
VA.BCD = 5 AH'SABCD

VAABCD max khl AH

max

Tacod S, = %AH.MB = %MN.AB

2 4B BM?*—BN?).AB?
o A =MNAB gy MN"AB 'fB <:>AH2=( _ )
MB
2
(3_2%2 12x% —x* 1261 12 -1
& AH® = S22 oY D p () =2l
12 12 12
o 12-2t 6-t
t: = —
/(1) 12 6
x [0 6 23
Y + 0 -
3
Yy / \
0 2\3-1
< AH max =3 < AH =3
Vay thé tich 16n nhat1a v, = %AH.SABCD = %.\B .2%? =1.

Cau 80: (THPT Tam Phuwdc-Dong Nai-lan 1-nam 2017-2018) Tinh thé tich cta khdi lap phwong cé dién

Cau 81:

tich mot mét chéo bing a’v/2 .
A. 282 B.a’. C. a2, D. 4a’ 2.
Loi giai
Chon B
Ta c6 dién tich mat chéo cua hinh 1ap phuong 4BCD.A'B'C'D’ 1a:
S ooy = A4 AC = AA’N2 =a’2 = 44' = a

3

Thé tich khéi 1ap phuong 13: V0 yscr = @

(THPT Chuyén Hing Vwong-Binh Phuwéc-Iin 2-nim 2017-2018) Cho hinh tir dién déu.

Ménh dé nao dudi day sai?

A. Poan thing ndi trung diém cua cip canh ddi dién ciing 1a doan vudng goc chung cia cip
canh do.



B. Thé tich cua khéi tir dién bang mot phan ba tich khoang cach tir trong tim cua tir dién dén
mot mat voi dién tich toan phﬁn cua no (dién tich toan ph?m la téng dién tich cta bon mat).
C. Cac cip canh ddi dién dai bang nhau va vudng goc véi nhau.
D. Hinh tir dién déu c6 mot tim dbi ximg cling chinh 1a trong tdm cta no.
Loi gidi
Chon D
Hinh tt dién déu khong c6 tam ddi xing.
Cau 82: (THPT Chuyén Hung Vwong-Binh Phwdc-lan 2-nam 2017-2018) Cho hinh chép tir giac
S.ABCD Vi mot mit phang (P) thay d6i. Thiét dién ctia hinh chép cat boi mit phang (P) la

mot da giac co sb canh nhiéu nhat co thé 1a:
A. 5 canh. B. 4 canh. C. 3 canh. D. 6 canh.
Loi giai

SaiChon B SiraChgn A
S

Hinh trén 1 mot minh hoa cho truong hop mit phang (P ) cat hinh chop tir giac theo thiét dién
la mot ngi giac.

Ciu 83: (THPT Chuyén Hung Vwong-Binh Phuwdc-Tan 2-nim 2017-2018) Hai khdi da di¢n déu dugc
g0i 12 doi ngau néu cac dinh cia khoi da dién déu loai nay 1a tam (duong tron ngoai tiép) cac
mit ctia khdi da dién déu loai kia. Hay tim khéng dinh sai trong cac khéng dinh sau:

A. Khdi tir dién déu déi ngdu véi chinh né.
B. Hai khéi da dién déu d6i ngiu véi nhau ludn c6 s6 canh bang nhau.
C. S6 mit cia mot da dién déu béng s6 canh cua da dién déu dbi ngﬁu vo1 no.
D. Khéi 20 mit déu ddi ngau véi khdi 12 mat déu.
Loi giai
Chon C
Theo dinh nghia thi khi 1ap phuong va khdi bat dién déu ddi ngiu voi nhau. Nhung sé mit cia
hinh 1ap phuong bang ¢ va sé canh ctia bat dién déu 14 | nhu vy khing dinh C 14 sai.



Cau 84: (THPT Hau Loc 2-Thanh Héa-an 1-nam 2017-2018) Cho hinh chép S.ABCD c6é déy I3 hinh chi
nhdt, AB=a, AD=2a, SA=2a, SA vuéng gbc vdi mp(ABCD). Tinh thé tich khdi chép

S.ABCD .
4a’ N 2a’ 3
A. T (tht) B. 4a (tht) C. T (tht) Q. 2a (tht)
Loi giai
Chon D

Taco Vs pep = %SA.SABCD = %.2a.a.2a =24’ (dvtt).

Cau 85: (THPT Chuyén Lam-Thanh Héa-lin 1-nim 2017-2018) Hinh lang tru tam giac déu c6 bao
nhiéu mit phang dbi xtmg?
A. 5. B. 6. C. 3. D. 4.
Lo gidi
SaiChgn A SttaChgn D

Hinh lang try tam gidc déu c6 4 mat phang dbi xtmg duoc mé ta nhu sau:



A C' A '

B’ B’

Céu 86: (THPT Chuyén Lam-Thanh Hoba-lan 1-nam 2017-2018) Cho hinh chép S.4ABC c6 ddy ABC
la tam giac déu canh a, canh bén S4 vudng goc véi day (ABC ) Biét goc tao boi hai mit

phing (SBC) va (ABC) bang 60°. Tinh thé tich ¥ cta khdi chép S.4BC.

3 3 3 3
A.V:“‘B. B.V=3*/§“ . g.V:“‘B. D.V:“*/g.
24 8 8 12

Loi giai

Chon C

Goi M 1a trung diém cua BC.Khi d6 AM L BC, SA L BC . Suyra SM 1 BC.
Do d6 goc giita hai mit phing (SBC) va (ABC) chinh la géc SMA.

a3 a3 3a

Ta ¢6 AM:T3, SA:AM.tan@:T.tan60°:7.



Cau 87:

a’\3
=

Dién tich tam giac ABC 1a S ;. =

Thé tich khéi chop 1a V. = %SA.SABC =

3 az\/g_as\/g

1 3a
372 4 8

(dvtt).
(THPT Chuyén Lam-Thanh Hoa-lin 1-nam 2017-2018) Cho hinh ling try tam gic

ABC.A'B'C'. Goi M, N lan luot la trung diém cua BB', CC'. Mit phang (A'MN) chia khoi

lang try thanh hai phﬁn, dat 7, la thé tich cua phﬁn da dién chua diém B, v, la phén con lai.

N 4
Tinh ti so —.
v,

AT B L c. hs p. .3
v, 2 v, v, v, 2
Loi giai
Chon B
B C B C
A A

A/

AI
Ké MK // AB suyra KN // AC.Do M, N lan luot I3 trung diém cua BB', CC' khi d6 mat
phang (MKN) chia hinh ling tru 4BC.4'B'C’ 1am hai phan bang nhau.

Taco Ve ope =Vipesmx Vi 4w = 2VMNKAA’B’C"

Mat khac Vi awcr =Vyawe Vi ¥ Vawn V& Vy gppe =

V

A" .MNK

=7,

N.A'B'M

=2V,

N.A'B'C' >

nén V, =V, +V,

N.A'B'C' N.A'B'M

Vi=4Vy ypc - Vay ; =2.

2

Cau 88: (THPT C6 Loa-Ha Noi-lan 1-nawm-2018) Cho hinh lang tru dimg ABC.A'B'C' ¢6 ddy ABC

la tam gidc déu canh 2a, goc giita mit phang (4'BC) va mit phiang (ABC) bing 60°. Thé
tich khdi lang tru ABC.A'B'C" tinh theo a 1a
A. 3\/§a3. B. \/gas. C. 34°. D. 2\/§a3.
Lo gidi
Chon A



Goi E latrung diém BC, suy ra géc gilta (A’BC) va (ABC) la gbc AEA=60°.

Trong tam giac vuéng A'AE ,tacé A'A= AE.tan 60° = 2q. i \/_ 3a.

24)" A3
VaY Ve ppe =S, pe A'A = (a)4 3a=3a*3.

Cau 89: (THPT C6 Loa-Ha Noi-lan 1-nawm-2018) Cho hinh chép S.4BCD c6 ABCD 14 hinh chit nhat
voi AB=2a, BC=a, SA vudng goc v6i mit ddy, canh SC hop ddy mot goc 30°. Thé tich
khoi chop S.ABCD tinh theo a la

L g, Y152 W58 p, J1sa’
3 3 - 9 9
Loi giai
Chon C

Theo bai ra ta c6 SCA =30°; AC =/d’ +(2a)’ =av/5 nén S4=ACtan30° = a\ég .
3
T dosuyra Vg pop =§SA'SABCD :%‘a\gﬁ 2d% = 2a 9\/E ‘

Cau 90: (THPT C6 Loa-Ha Noi-lIin 1-nawm-2018) Cho hinh chép déu S.4BC co canh day bang a,
canh bén bang 34 . Thé tich khéi chép S.4BC tinh theo a 1a

J26a° V784’ J264° V784’
A B C

A. : . . . : D.
12 12 3 3




Loi giai

Chon A

2a\/§ a\/§

Goi O la tam cua tam gidc ABC.Co6 A0 = 375 " 3

2
Trong tam gidc vudng SOA , ta c6 SO =+/SA* — 40* = /9az _% _ axéﬁ .

2
Dién tich ddy ctia hinh chép S . = # .
2 3
Thé tich ciia khdi chop V; ;. = %.SO.SABC = % “*éﬁ £ f = ‘/ﬁa .

Cau 91: (THPT Chuyén Lé Hong Phong-Nam Dinh-Ian 2 ndm 2017-2018) Cho hinh chép S.4BC c6
SA L (ABC), tam gidc ABC vuéngtai B.Biét SA=2a, AB=a, BC = a\/g . Tinh ban kinh R cta

m&t cau ngoai ti€p hinh chdp.

B. 2a. C. a\2. D. 2a2.

A. a.
Loi giai

Chon C
51

BC 1 54

Tacod: S4 L (ABC) va tam gidc ABC vudng tai B nén = BC L SB.
BC 1 AB



Do d6 cac dinh 4 va B cung nhin doan SC dudi mot goc vuong.
Viy tim miat cdu ngoai tiép hinh chép 1a trung diém /cia canh SC va ban kinh

R:%\/SAZ +AC? :%\/SAQ + AB> + BC? =%\/4a2 +a>+3d> =av2 .

Cau 92: (THPT Chuyén Lé Hong Phong-Nam Dinh-lan 2 nam 2017-2018) Cho hinh ling try dirng
ABC.A'B'C' ¢6 AA'=a.bPay ABC |a tam gidc vubng cdn tai 4 vda AB =a. Tinh thé tich V' cda
khai lang tru da cho.

3 3 3
Av=2, B.V=d c.r=%. D.v=2L.
2 3 6
Loi gidi
Chon D
Theo gia thi€t ABC.A'B'C’ 13 lang tru dirng cé day |3 tam giac ABC vudng cantai 4.

3
Suy ra thé tich ciia khGi lang try 13 ¥ = AA'.S . = AA’%.AB.AC = %

Cau 93: (SGD Vinh Phtc-KSCL 1an 1 nam 2017-2018) Cho hinh chép t gidc déu S.ABCD c¢6 AB=a,
SA=a~/3.Goi G latrong tam tam gidc SCD. Goc gitra dudng thing BG va dudng thing S4 bing

A. arccos@. B. arccos 330 . C. arccos—3. D. arccosﬁ.
22 0 11 11
Loi giai

Chon D

Goi O la tim mit ddy (ABCD). Do S.ABCD la hinh chép déu nén ta chon hé truc toa do
Oxyz nhu hinh vé.

a2

0O4=0B=0C=0D = 5

a10

Tam gidc SA0 vudng tai O: SO =~/S4* — 04’ ==



2

Ta co: A(—a 2 ;O;OJ, B(o;—%;o} c[—af;o;o} D(O; “22 ;OJ, S(O;O; aleﬁj

G la trong tam tam gidc SCD nén: G[ P 6

a 2‘ax/§‘amJ

i _a\/z;o;_a\/m ’B—G: a\/E;Zaﬁ;a\/E .
2 2 6 3 6
o a®  54d°
SA.BG _Z_?
cos(S4,BG) = ‘ ‘ = V33 :>(SA,BG)=arccos%.

IO
"3

C3u94: (THPT Luc Ngan-Bfic Ninh-lan 1 nam 2017-2018) Cho khéi chép S.ABC, c6 day ABC latam

giacvuongtai 4, AB=AC =2a, S/B71 = S/C71 =90°, goc giita canh bén SA4 v&i mit phang day
bang 60°. Tinh thé tich V' cla khéi chép S.ABC.

A a B. 46 C

3 3
== B.p :2a\/6_ D. a.

4

6 3 3 4
Loi giai

Chon B

Goi O va H lan luot 1a trung diém cua S4 va BC.

Do SBA=SCA= 9‘0° nén 4 djém S, A, B, C cung nam trén mit ciu duong kinh S4
= O la tdm mat cau ngoai tiép hinh chop S.4BC.
Do AABC vuongtai 4 nén H la tam duong tron ngoai tiép tam giac 4ABC

= OH 1 (ABC)=> OAH =60°,

Taco AH =%BC=ax/§:> OH = AH .tan 60° = a2/3 = a /6.

3
Thé tich ctia khéi chép O.4ABC 1a VO.ABC :%.OH.SABC :%.a\/g.%.ZCl.za — 203\/6 .
3
Ta ¢6 VS‘ABC :ﬁ:2 = VSABC :2V0ABC :M.
VOAABC 04 ‘ ' 3

Cau 95: (THPT Luc Ngan-Bfic Ninh-Ian 1 nam 2017-2018) Cho ling tru diing ABC.A'B'C’ c6 day la tam
gidcvudbngcantai 4, AB=AC= a2 . A'B tao véi dédy géc 60°. Thé tich khéi lang tru 1a:

3 3
A. V6. B. 3“2‘5. C. 4a°\6 . D. 5%



Loi giai

Chon A
As C'
B!
AR\ ----2C
60°
B

Ta ¢ AB 1a hinh chiéu vudng goc cua A'B 1én mit phang (ABC)
(B (350)| = 7578) - 5

Tam gidc ABA' vudng tai A c6 AA'= AB.tan60° = a /6 .

Tam giac ABC vudngcantai 4 ¢ S, = %AB.AC =a’.

Khi d6 thé tich khéi lang tru1a V' = S ,..A4" = a’\/6 .

Cau96: (THPT Luc Ngan-Béc Ninh-Ian 1 nam 2017-2018) Cho hinh chép S.4BC c6 S4 =SB =SC, tam
gidc ABC latam gidcvuongtai B, AB=a; BC = a\/g, mat bén (SBC) tao v&i day géc 60°.Thé
tich khéi chép S.ABC la:

3 3 3
AL B. L. c. 24 D. & .
6 3 4

Chon D

Goi H la trung diém canh huyén AC, suy ra HA=HB = HC.
Mit khac theo gia thiét S4 =SB =SC.Do d6 SH L (4ABC).
Goi / 1a trung diém BC.
(SBC)N(A4BC)=BC
Taco  HI L BC = ((SBC),(4BC)) = SIH = 60°.
SI 1 BC



. . AB
Lai c6 HI la duong trung binh tam gidc ABC nén HI =7

NSRS

Xét tam gidc vudng SHI c6 tan 60° = % — SH=HI3=2

|2

=7
Cau 97: (THPT Luc Ngan-Béc Ninh-Ian 1 nam 2017-2018) Cho ling try diing ABC.A'B'C’ c6 day la tam
gidc déu canh a+/3, A'B =3a.Thé tich khdi ling tru I

3
Vay thé tich khdi chép S.4BC la: V = %.%.AB.BC.SH = l.a.a\/g.& a

3 3

A. % B. 9"4‘/5 . C. 6a°. D. 7a°.

Loi giai
Chon B

A’ c’
BV
3a
-

2
Tacod: S, pc z(a\/§)2 .ﬁz 30’3

2 YRR AA'z\/A’BZ—AB2 =\/9az—3a2 =a\/€.

V2
I

. , 3¢°\3  9a
Vay ¥V pe pper = AA'S 50 = a\/g_ 4 =

C4u98: (THPT Luc Ngan-Béc Ninh-Ian 1 nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la hinh

vuong canh a\/g, mat bén (SAB) la tam gidc déu va nam trong mat phang vudng goc véi day. Thé
tich ctia khéi chép S.ABCD la:

3 3 3 3
A.9a\/§. B. L. c 3 D.“‘g.
2 2 2 3




Chon C i
Goi H la trung diém cia AB khi do SH la duong cao cua hinh chop.
3

Do S4B la tam giac déu nén: SH = AB.T = aﬁ'? =

3a
2
Thé tich ciia khéi chép S.4BCD 1a: V = %SABCD.SH - %.(aﬁ ] 37" - %
HET
CAu 99: (THPT Lé Van Thinh-Bic Ninh-lan 1 nam 2017-2018) Cho hinh chop S.ABC c6 SA, SB,
SC ddi mot vudng géc voi nhau va SA=2+3, SB=2, SC=3. Tinh thé tich khdi chop

S.ABC.

AV =63. B. V =43. C.V=2/3. D. V=123.
Loi giai

Chon C

Thé tich khéi chép S.ABC 1a V = éSA.SB.SC = %.2\/3.2.3 =2.3.

Cau 100: (THPT Lé Van Thinh-Bac Ninh-Ian 1 niam 2017-2018) Lang tru tam giac déu ABC.A'B'C’c6
goc gitra hai mit phang (4'BC) va (4BC) bang 30°. Piém M nam trén canh A4’ . Biét canh
AB = a3, thé tich khéi da diéen MBCC'B’ bing:
3 3 3 3
A3 B. 3“‘6. C. 3‘“5. D. 2%
4 2 4 3
Léi giai

Chon A



Cau 101:

AI

AB*3  33d?
4 4
Goi N la trung diém ctua BC; goc giita hai mat phang (A’BC) va (ABC) la goc A'NA =30°

\/5 3a \/ga

va AN = AB——=— nén AA4'= AN.tan30° = ——.
2 2 2

3\/§a2 \/ga 94° 3a’

Tacod: S, pc =

Suyra Vg ppe = 4 ) :? va V, isc :?'
Do M e A4’ ma AA'//(BB'C'C) nén d (M ,(BB'C'C))=d(A4',(BB'C'C)).
6a’  3a’
Vivay Wy pepe =Vipepe =—=—-.
1Vay Vi sec A'.BCB'C 3 4

(THPT Triéu Son 3-Thanh Héa nim 2017-2018) Cho mdt da dién c6 m dinh va mdi dinh 1a
dinh chung ctia ding 3 canh. Chon ménh dé dung trong cdc ménh dé sau:
A. m 12 mot sb chin. B. m chiacho 3 du 2.
C. m chia hétcho 3. D. m 1a mot sb 1é.
Loi giai
Chon A
Goi P 1a s6 dinh va C 1a sb canh cua hinh da dién di cho.

Vi mbi dinh 1a dinh chung cua diing 3 mit va mdi canh 1a canh chung ctia ding hai mit nén

3D=2C=>DP= 2(%} hay P 1a s6 chin. Vay m = D 1a s6 chén.



Cau 1: (THPT Triéu Son 1-Ian 1 nam 2017-2018) Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh chir
nhit, 4B=2a, BC=a, SA=a/3 vi SA vuéng goc véi mat day (ABCD). Thé tich V cia
khdi chop S.ABCD bing

2a3\/§ a3x/§

AV =2a3. B. V= . C.V=d\3. D. V= .

= 3 3
Loi giai

Chon B

L
Taco S, = AB.BC =2a".

3
Vay ¥ zé-SA.Sd :%-aﬁ.zaz = 2"3*/3 .

Cau 2: (THPT Triéu Son 1-lan 1 nam 2017-2018) Cho hinh chép S.4BC c6 day la tam giac cén tai A4,

AB=AC=a, BAC =120°. Mit bén SAB 1a tam giac déu va nim trong mat phing vudng goc
vGi miat day. Thé tich V' ctia khdi chop S.4BC 1a
3 3

A.Vz%. B.V=d. C.Vz%. D.V=2d.

Loi giai
Chon A

Goi H 1a trung diém ciia 4B .

a3

Theo dé ta co SH J_(ABC). Tam giac SAB déu canh a nén SH :T.



2
Tam gidc ABC cantai A, AB=AC=a, BAC=120°nén S, ;- :lAB.AC.sinIZOO =2 3 .

3
Thé tich khéi chop S.ABC: V = %SH.SAABC ~ % .

Ciu 3: (THPT Chuyén Vinh Phiic-MD 903 Ian 1-nam 2017-2018) Cho lang tru dtng ABC.A'B'C" day
1 tam gidc vudng can tai B, AC =av/2, bibt goc giita (A'BC) va day bing 60° . Tinh thé tich
V cua khéi lang tru.

3 3 3 3
A.V:“‘E. B.V=“‘/§. C.V=‘“/§. D.V=“‘/€.
= 2 3 6 6

Loi giai
Chon A
A &
\\\\\ BI
A . __________:‘_\ C
60 /
B
Tam gidc ABC vudng cantai B, AC=ax2 = AB=BC=a.
2
a
SAABC = ? .
Goc giita (A4'BC) va ddy 1a goc A'BA=60'.
A'4A= AB.tan 60" = a+/3 .
2 3
, a a \/§
Viscanc = Saupc-AA= —.a\3 = .
2 2
Cau 4: (THPT Chuyén Vinh Phac-MD 903 1an 1-nadm 2017-2018) Hinh tir dién déu c6 bao nhiéu mit
phang dbi xtmg
A. v sb. B. 8. C. 4. D. 6.

Loi giai



Chon D
Hinh t dién déu c¢6 6 mat phang ddi xung 1 cac mit phang chita mot canh va di qua trung
diém canh ddi.

Cau 5: (THPT Chuyén Vinh Phiic-MD 903 Ian 1-nam 2017-2018) Mgt hinh hop hinh chir nhat ndi tiép
mit cdu va co ba kich thudc 13 a, b, c. Tinh ban kinh cta mit cau.

A Na’ +b*+ct . 1/ a +b2+c Nai+b+e D. %\/a2+b2+cz.

Loi giai

Chon D

B’

i 2
A -
B’i::::uii 77777 N B S &
/’,,j,,,_, _-,__:K__‘_,ﬁ“‘

’ D

Puong kinh cua mat cau chinh la duong chéo ctia hinh hop chit nhat, nén mat cau c6 ban kinh
1
R 25\/a2 +b* 4+

Cau 6: (THPT Chuyén Vinh Phic-lan 1 MD 904 nim 2017-2018) Tinh thé tich khéi lang tru tam giac
déu ABC.A'B'C’ biét tat ca cic canh cia ling try déu bang a.

3
B. ‘B".

12

A a.

c. L p. P3¢
3 - 4
Loi gidi
Chon D
Lang try tam giac déu 14 hinh ling try dtng c6 day 1a tam giac déu.
1 a? \/’ 2 \/g
2

Taco: S, = 2AB AC.sinA4 = 5 2

2 3
=8 oAl =2 f.az a f.

Vay: V.

ABC.A'B'C'




Cau 7: (THPT Chuyén Vinh Phic-lin 1 MP 904 nam 2017-2018) Khi chép tam giac déu co canh day
bang a , canh bén bang 3a c6 bao nhiéu mit phiang dbi xtmg?
A. 6 B. 4. C.9 D. 3.
Loi giai
Chon D

Mit phang d6i xtmg ctia khéi chop trén tao boi canh bén va trung diém ctia canh ddy doi dién.
Vay khdi chop trén c6 3 mit phang ddi xtmg.

Cau 8: (THPT Kim Lién-Ha Noi nam 2017-2018) Cho hinh chép S.ABCD c¢6 day 1a hinh vuéng canh
a, hinh chiéu vudéng goéc ctia S 1én mit phang (ABCD) tring véi trung diém ctia canh AD,
canh SB hop véi ddy mot goc 60°. Tinh theo a thé tich V' ctia khéi chop S.ABCD .

3 3 3 3
A.“‘/G. B.“‘/G. C.“‘E. D.“\/E.
2 = 6 4 63
Loi giai
Chon B

Goi H latrung diém cta canh AD.
Do H 1a hinh chiéu ciia S 1én mat phang ABCD nén SH L (ABCD).

Canh SB hop véi day mot géc 60°, do dé: SBH =60°.
2
Xét tam gidc AHB vuong tai A: HB =~ AH + AB® = /az +(%) :%.

Xét tam giac SBH vuong tai H :
a

—— H e
tanSBHzZ—H < SH = BH.tanSBH < SH = 25 tan60°=@.
Dién tich day ABCD 1a: S, =a’.



3
Thé tich khéi chép S.ABCD 1a: V, .0 %'SABCD. SE :%az aJZE _a \6/5 |

Cau 9: (THPT Kim Lién-Ha Néi nam 2017-2018) Cho khdi lang tru ABCD.A'B'C'D’ ¢6 thé tich bang
36cm’. Goi M la diém bét ki thuoc mit phang (ABCD). Tinh thé tich ¥ cta khi chép

M.A'B'C'D'.

A.V=12cm’. B. V =24cm’. C.V=16cm’. D. V =18cm’.
Loi giai

Chon A

Goi A la chiéu cao cua lang try, S=S ., -

1 Voo
Ta c0: Viscp,swcrr =SV =Viy swer =5hS = % =12cm’.
CAu 10: (THPT Kim Lién-Ha N6i nam 2017-2018) Cho khdi t&r dién c6 thé tich ¥ . Goi V' 1a thé tich

!

khdi da dién c6 céac dinh 1a trung diém céc canh cua khoi tir dién d3 cho. Tinh ti sb ?

Loz B L-L L2 p.2_-L
Vo3 Vo4 Vo8 N )
Loi giai
Chon D

Goi khdi tir dién d3 cho 1a ABCD.
Goi E, F, G, H, I, J lan lugtla trung diém cia 4D, AB, AC, BC, CD, BD.

Khidotaco: V=V'"+4V, .-

Mit khac ¥, . :%V.

Suy ra V:V'+1V:>K:l.
2 Vo2
Cau 11: (THPT Kién An-Hai Phong nim 2017-2018) Cho hinh lang tru dimg ABC.A'B'C’ ¢6 ddy ABC
la tam giac vuong tai B, AB=BC=a, BB'= a3 . Tinh goc giita duong thang A'B va mit
phang (BCC'B').
A. 45°. B. 30°. C. 60°. D. 90°.
Loi giai
Chon B



BI

Hinh lang try dimg ABC.A'B'C' nén BB' L (A'B'C')=BB' L AB'= A'B'LBB' (1)
Bairacé ABL BC = A'B' L B'C'.
Kéthop véi (1) = A'B' L(BCC'B') = (A'B;(BCC'B)) = ABB
NIV = AB a1
= tan(A'B;(BCC'B'))=tan A'BB' =—— =—~ =— = ( A'B;(BCC'B')) =30°.
Céu 12: (THPT Kién An-Hii Phong nim 2017-2018) Cho hinh chép S.ABCD ¢6 SA L (ABCD). Biét

2

AC=a\2 ,canh SC tao voi day goc bang 60° va dién tich tir gisc ABCD bang 3%. Goi H
1a hinh chiéu vuéng goc clia A 1én SC . Tinh thé tich khdi H.4BCD .

3 3 3 3
A.3a‘/g. B.“‘/g. C.“‘/g. D.a‘/g.
8 2 - 8 4
Loi giai
Chon C

Goi / 14 hinh chiéu cia H 1én (ABCD), vi (SAC) L(A4BCD) nén I € AC.
Ta cé SA= ACtan60° = a6 .

AS.AC  aJ6a2 a6
Jastvacc a8 2

Suyra AH =



2
Do d6 HC = AC? — AH? 24/2a2—6z - "‘2/5,

a6 a2
Vivay Hr=HAHC _ 2 " 2 _aV6.
AC a2 4
1 1aJ6 3’6

T dosuyra Vy pep = EHI‘SABCD = ET ) 3

Céu 13: (THPT Chuyén Lwong Van Tuy-Ninh Binh lan 1 nam 2017-2018) Cho hinh chép S.4BCD
c¢6 day 1a hinh binh hanh va c6 thé tich bang 1. Trén canh SC lay diém E sao cho SE =2EC.
Tinh thé tich V' ctia khéi tr dién SEBD .

Av=Z. BV =1, cv=s p.yv=2.
3 6 3 3
Loi giai
Chon C

SE_2
SC 3

\ 1 1 2
Ma: Ve, = EVS.ABCD = E = Vggp = E

Ta C(’). VSEBD —

SCBD
1
3
Cau 14: (THPT Chuyén Tran Pha-Hai Phong lan 1 nam 2017-2018) Cho hinh 1ap phuong

ABCD.A'B'C'D' ¢6 dién tich tam giac ACD' bing a°~/3. Tinh thé tich ¥ cua khéi lap

phuong.

A V=424, B. V =224. C. V=84, D.V=d.
Loi giai

Chon B

CI
Goi d6 dai canh cua hinh 1ap phuong 1a x . Khi do:



Tam giac ACD' 1a tam giac déu canh X2

2
w2) 3
Sicn =a’\3 @%-%zazﬁ ox=a2.

Vay V =x :(a\/z)3 =224’

Cau 15: (THPT Chuyén Tran Phi-Hai Phong lan 1 nam 2017-2018) Cho hinh chép S.4BCD c6 day

Cau 16:

ABCD 1a hinh thoi canh a, gbéc BAD bang 60°, goi I la giao diém ciia AC va BD. Hinh
chiéu vuong goc cua S trén mit phing (ABCD) 14 trung diém H cua BI . Géc gilta SC va
(ABCD) bang 45°. Thé tich cua khoi chép S.4BCD la:

a*39 a*\39 a*39 a*\39

A. . B. . C. . D. .
- 24 12 8 48
Loi giai
Chon A
B
H
c
I
D

Do SH L (ABCD) nén goc giita SC va (ABCD) 1a goc SCH =45°.
C6 ABCD 1a hinh thoi canh a, goc BAD bang 60° nén AABD la tam giac déu canh a, suy

ra IH:E; [C:a\/g.
4 2

Xét AIHC vuong tai I ¢6 CH =+ IH* +IC* =

a13.

Tam gidc SHC vudng can tai H nén SH = a 2

2, 1 la\/B 02\/§ a3\/§
Thé tich VS‘ABCD:SSH,SABCD:5 PR - Y

a13
T

(THPT Chuyén Tran Pha-Hai Phong lan 1 nam 2017-2018) Cho hinh hdp chit nhat
ABCD.A'B'C'D' ¢ day la hinh vudéng canh a va canh bén bang 24. Tinh dién tich xung
quanh S, cua hinh n6n c6 dinh 1a tim O cua hinh vuéng A'B'C'D" va déy 1a hinh tron ndi
tiép hinh vuong ABCD .

za*17

C.S, =ra’J17. D.S, = .

2
A.S,=27a*\17. B.S _za 1T =

xq 2

Loi giai



Chon D

B

Hinh nén tao thanh c6 ban kinh day r = % =% va dudng cao / =2a. Pudng sinh cua hinh

2 2
ninniy i 1= =, (204§ e e

Dién tich xung quanh cua hinh nén can tim la: S,, = zrl = 7.

a aN17 _ ra*\17
2 4
Ciu 17: (THPT Doan Thurong-Hai Dwong-lan 2 nam 2017-2018) Cho hinh chop S.4BC c6 day la
tam giac vuodng tai C, AB= a5 , AC=a. Canh bén SA=3a va vudng goc voi mat phang
(ABC). Thé tich khdi chép S.4BC bing:

3
A. 247, B. 34°. c.é ;/g D. .

Loi giai
Chon B

Ta c6 ABC vuong tai C nén BC =+ AB* -~ AC* =2a.

Dién tich tam gidc ABC 1a § %CA.CB =a’.

ABC —



Cau 18:

Do canh bén SA4=3a va vudng goc véi mit phang (ABC) nén SA la dudng cao cua hinh chép

S.ABC.
1

Thé tich cta khéi chép S.ABC 1a V, . = ESA.SAAABC =3a.a’ =3a’.
(THPT Doan Thuong-Hai Dwong-lan 2 nam 2017-2018) Cho khéi ling tru ding
ABC.A'B'C'cé day la tam gisc can ABC véi AB=AC=a, goc BAC =120°, mit phing
(AB'C") tao v6i day mot goc 30°. Tinh thé tich ¥ cua khdi lang tru da cho.

a a 3a’ 9a°

AV =—. B.V=—. C.V=—m. D.V=—.
6 8 8 8

Loi giai

Chon B

Goi M la trung diém ctia B'C'. Khidd6 A'M L B'C' vi AM L B'C' = gbc giita hai mit phang
(AB'C") va dy 1a AMA’ =30°.

Trong tam giac vuong A'MB'tacd A'M = A'B’. cosBAM = %.

Trong tam giac vuong AA'M co: AA' = A'M tan 30° = % =h.
a*\3

Dién tich tam giac A'B'C' 1a § = 2

3

Thé tich khéi lang tru: ¥ = .1 = %

Cau 19: (THPT Doan Thuwong-Hai Duong-lan 2 nam 2017-2018) Goi ¥, 1a thé tich cta khdi lap

phuong ABCD.A'B'C'D', V, la thé tich khéi ti dién 4'ABD . H¢ thiic nio sau day la dang?
AV, =4V,. B. V,=6V,. C.V =2V,. D. V, =8V,.
Loi giai

Chon B



DI

D. .B

Cich 1: Gia st canh ctia hinh 18p phuong 1 a,taco V,=a’ va V, = %AA'.SABD = écf suy ra
Vi =6V,.

Céch 2: Taco ¥, =%AA’.SABD = %AA’%SABCD =%AA’.SABCD = %Vl =V, =6V,

Céu 20: Cach 3: Ta co V) :%VABD‘A,B,D, :éVABCD‘A,B,C,D, = V, =6V,.(THPT Ha Huy Tap-Ha Tinh-
I4n 1 nim 2017-2018) Cho hinh chép S.4BCD c6 déy 1a hinh chit nhat, AB=a, AD =a+/3,
SA vudng goc v6i ddy va mit phang (SBC) tao voi ddy mot goc 60°. Tinh thé tich V' cua
khéi chép S.4BC.

3 3
A.V:%. B.V:‘E“ . C.V=d. D. V =3a’.

Loi giai
Chon A

(SBC),(ABCD)) = SBA = 60°.

. (SBC)n(A4BCD)=BC

Ta co: :>(
SB 1L BC;AB 1 BC

Xét tam gidc SAB vudngtai 4,tacd SA= AB.tan 60° = a3 .

. 1 1
Vay Ve e =§SA.SABC :§a\/§, =



Cau 21: (THPT Ha Huy Tap-Ha Tinh-lan 1 nam 2017-2018) Cho lang tru ABCD.A'B'C'D’ ¢6 day
ABCD 1a hinh thoi canh a, tam O va ABC =120°. Goc gilta canh bén A4’ va mat day bang
60°. Dinh A" cach déucac diém A, B, D. Tinhtheo a thé tich V' cta khoi lang tru da cho.

3a’ a3\/§ a3\/§

AV ==- B. V= C. V= D.V=a\3.

6 2
Loi giai

Chon C

Ta c6 tam giac ABD cantai A va BAD =60° nén ABD 13 tam giac déu.
Goi H la trong tam tam giac ABD. Vi A’ cach déu A, B, D nén A'H la truc duong tron
ngoai tiép tam giac ABD. Do dé A'H L (ABD).

Suy ra goc gitta A'A va ddy (ABCD) 1a goc A'AH =60°.

2 a\/§
2

Ta co AH=§A0:

.Do db A’H=AH.tan60°=37a.

2 2
Ngodi ra S ;) =28, = 2.# =4 f .

_ az\/g 3_a 3a3\/§

Thé tich khéi lang try ABCD.A'B'C'D' 1aV =S ,.,.AH =

2 2 8

Céu 22: (THPT Triéu Thi Trinh-lan 1 nam 2017-2018) Tinh thé tich ctia khdi t&r dién déu c6 canh bang

2.

A N2, B.#. g.%. D. 24/2.

Giai:
Chon C
S
A C



Goi tir dién déu 1a S.ABC. H 1a tam dudng tron ngoai tiép AABC.

243
5

Taco AH =

Vi S.ABC la tr dién déunén SH L ABC

SH =~/SA> — AH? = /22 2f \f

1Sh_lJ§72\/§_§_2\/§
. _3- 3- - - .

Vi o =—
S.ABC 3 4 3 3

Céu 23: (THPT Triéu Thi Trinh-Iin 1 nam 2017-2018) Khi ting d6 dai canh day cua mot khdi chop
tam giac déu 1én 2 1an va giam chiéu cao cta hinh chop d6 di 4 14n thi thé tich khdi chop thay
doi nhu thé nao?

A. Tang 1én 2 lan. B. Khong thay doi. C. Ting Ién 8 lan. D. Giam di 2 lan.
Loi giai
Chon B

.

day

Ta c6 thé tich hinh chop la: ¥ = %S
23

Gia st canh ddy bng « thi dién tich day S,,, = "T

Néu canh day tang 1én 2 1an, tic 12 2a thi dién tich day bang a’\/3 va chiéu cao & giam di 4

2
lan, tic bang % thi thé tich khdi chop bang gazx/_ h_1a \/7 ! S

4 3 4 3"”th

Do d6 thé tich khdi chop khong thay dbi.

CAiu 24: (THPT Lwong Thé Vinh-Ha Noi nam 2017-2018) Cho lang try tam gidc ABC.A'B'C’ c6 day
1a tam gidc déu canh a. Do dai canh bén bang 4a. Mt phang (BCC'B') vuédng goe véi day va
B'BC =30°. Thé tich khéi chép ACC'B' 1a

a3 L @B o3 L aA

C.

2 12 18 = 6
Loi giai

Chon D




Goi H 14 hinh chiéu ctia B’ trén BC. Tir gia thiét suy ra: B'H L (ABC).

Sype = %BB’.BC.sin B'BC = %4a.a.sin 30° =a’.

a ] 1 4 ’ 2SBB’C 2612
Mit khac: S,,.=—B'H.BC = B'H = —-25¢ = —9a.
2 BC a

2 3

V. =BHS,, =2a.° V3 a3
4 2

1 12 1 1 &3 &3
Vices ZEVA.CC’B’B ZE‘EVLT ZEVLT :ET = 6

Cau 25: (THPT Lwong Thé Vinh-Ha N6i nam 2017-2018) Cho hinh chép S.4BCD c6 thé tich ¥ . Goi
M, N lan luot 1a trung diém cia S4, MC . Thé tich cta khéi chop N.ABCD la

Az B.L. c.’l. . L.

- 4 2 3

Chon B

d(S;(ABCD))=—h.

Cau 26: (THPT Lwong Thé Vinh-Ha N6i nam 2017-2018) Cho hinh chop S.ABCD c6 SA L(ABCD),
ABCD 1a hinh chit nhat. S4=AD=2a. Géc gita (SBC) va mit day (ABCD) la 60°. Goi
G 1a trong tim tam gidc SBC . Tinh thé tich khdi chop S.AGD la

324°\3 8a’\3 4a°\3 b 164

A. . B. . C. . ) .
27 = 27 9 93

Loi giai

Chon B



Vi goc gitia (SBC) va mat déy (ABCD) 14 60° nén SBA=60° = AB=—2 =24
tan 60° \/3

2
—ABAD = 2% pq =3 V3

ABCD \/5 3 *
1 24°\3

Khi do: S

Goi M la trung diém BC, khi d6: S

ADM :ESABCD = 3
2 21 2a*°\3 84’3
= VSAADG :EVSAADM 25520 3 = 77 X

Céu 27: (THPT Ptec Tho-Ha Tinh-Ian 1 nim 2017-2018) Ménh d& nao sau ddy la ding?
A. Dung mot mit phang bat ky cat 1 khoi bat dién déu ta duoc khdi da gidc déu.
B. Mbi mit cta khéi bat dién déu 1a mot tam giac déu.
C. Mbi dinh cua khéi bat dién déu 1a dinh chung cta 3 mit.
D. Mbi mit ciia khdi bat dién déu 1a 1 tir giac déu.
Loi giai
Chon B




Cau 28: (THPT Ditc Tho-Ha Tinh-Ian 1 nim 2017-2018) Cho ti dién ABCD c6 thé tich bang 9. Goi
B' va C' lan luot thude cac canh AB va AC thoéa 34B' = AB va 3AC"= AC . Tinh thé tich
V cta khdi ter dién AB'C'D .

AV =3. B.V:l. C.V=lI. D.Vzl.
9 3
Loi giai
Chon C
A
BI
B D
C
* Ta 6 Vigen :AB"AC'_AD zl'lzl.
Vigen AB AC AD 3 3 9

*Suyrala V., =éVABCD =1.
Cau 29: (THPT Dttc Tho-Ha Tinh-lin 1 niam 2017-2018) Tinh thé tich ¥ cua khdi 1ap phuong
ABCD.A'B'C'D', biét AB = 2a.
8a’

A. 6a’. B. 2a’. C. 3 D. 8a°.

Loi gidi
Chon D
Ap dung cong thirc tinh thé tich cta khéi 1ap phuong, ta ¢6 V = (2a)’ =84’ .

Cau 30: (THPT Thach Thanh 2-Thanh Héa-Iin 1 nim 2017-2018) Cho hinh chép tr gidc déu
S.ABCD c6 canh day bang 2a, canh bén bang 3« . Tinh thé tich ¥ cta khéi chép da cho.

3 3 3
_4‘/37“ . B.V=4‘/Z“ . C.V=4l7d°. D.Vz%.

Loi giai



Goi O la tam cua hinh vudéng ABCD.

4a3x/7
3

Taco S, =4a> va SO =S4’ — A0* =/9a> 24> = a7 . Suyra V =§a\/7.4a2 =

Cau 31: (THPT Thach Thanh 2-Thanh Héa-Ian 1 nam 2017-2018) Hinh chop ti giac déu c6 bao nhiéu
mit phang d6i xtmg?

A. 3. B. 4. C.6. D. 2.
Loi giai

Chon B . i )

Hinh chop tr giac d€u c6 4 mat phang doi xing nhu sau:

S

Cau 32: (THPT Thach Thanh 2-Thanh Héa-Ian 1 nam 2017-2018) Lang tru tam giac déu c6 do dai tat
ca cac canh bang 3. Thé tich khéi lang try da cho bang
273 5 213 93 N3

A =D . .
2 = 4 2 4

Chon B



Lang try tam giac déu c6 day 1a tam giac déu va canh bén ddng thoi 1a dudng cao. Dién tich
3?3 93

4 4
Duong cao lang tru: £=3.

day cta lang trula S =

Thé tich khdi lang tru dd cho: V' =S.h = %.3 = #.

Cau 33: (THPT Thang Long-Ha Néi-lan 1 nam 2017-2018) Cho tir dién OABC ¢6 OA, OB, OC d6i
mot vuong goc. Biét OA=a, OB=2a, OC = a\/g . Tinh khoang cach tur diém O dén mat
phang (ABC).

A.&. B. - L. C. “‘/ﬁ. Q.M.
V2 J19 J19 J19
Loi giai
Chon D
Cach 1:
A
C
B
3
Vo pe = %OA.OB.OC _4 3‘/3 .

Tinh duge AB =\ OA*> +OB*> = a5, AC=~OA*> +OC* =2a, BC =~JOB> +0C> = a7 .

V19 . AB+AC+BC
SABC=\/p(p—AB)(p—AC)(p—BC)=T (Vi p="— )
Goi h=d(0;(ABC)). Taco V,,, “Lis,, :h:%i:&.

¢ 04BC 3 ABC SABC \/E

Cach 2:
Ap dung cong thirc tinh d dai dudng cao ha tir dinh O dén mét phang (ABC) trong tir dién

vuéng OABC ta co: 12: 12+ 12+ 12:% :>0H:2a\/§
OH®> 04> OB> 0OC* 3a J19

Ciu 34: (THPT Thang Long-Ha Noi-lan 1 nam 2017-2018) Cho hinh hdp chit nhat ABCD.A'B'C'D'
c6 dién tich cac mat ABCD, BCC'B', CDD'C' lan lugt 1a 24, 34, 64°. Tinh thé tich khi
hop chit nhat ABCD.A'B'C'D' .
A. 36a’. B. 64’ . C. 36a°. D. 6a°.
Loi giai
Chon B



BA

I

1

I
R

A’ D'

Ta co

S e =2a° = AB.BC =2a’ (1)

Sscep =3a° = BC.BB'=3a’ (2)

Sepper =6a’ = CD.CC' = 6a” = AB.BB' = 64" (3)

Nhan vé theo vé (1),(2),(3) ta duge (AB.BC.BB')’ =36a° = AB.BC.BB'=6a’.
Vsep.vger = AB.BC.BB =6a’.

Cau 35: (THPT Thiang Long-Ha Noi-Iin 1 nam 2017-2018) Cho hinh chép tir gidc déu S.4BCD cb
canh dy bang a gbc giita canh bén va mit phang day bang 60°. Tinh thé tich khdi chop

S.ABCD .
3 3 3 3
A.“\/g. 5.‘“/3. c. L. D.‘“/g.
2 6 6 3
Loi giai
Chon B

Ta co: S/B\O =60°.

a2 a6

SO =0OB.tan 60° =——.tan 60° = ——.
2 2

_ 2
SABCD =a

1 Ia\/g2 a3\/€
2 .

Suy ra VSABCD ZSSO‘SABCD :g.

Ciu 36: (THPT Thang Long-Ha Noi-lan 1 nam 2017-2018) Cho hinh chép S.4BC, day ABC la tam

gidc déu co do dai canh bang a, SA vudng goc véi day, SA= a3 . Tinh thé tich ¥ cua khéi
chop S.4BC.

3

3
Av=2L. B. V=22 c.r=2. p.v=2.
2 4



Loi gidi
Chon D

2 n

B
a\/_l a’
4

Taco V =1SA.SABC —AB.ACsin60° =
3 3 2

Cau 37: (THPT Thang Long-Ha N6i-lan 1 nam 2017-2018) Cho lang tru ABC.A'B'C’ ¢6 ddy ABC la
tam giac déu canh bang a, biét 4’4 = A'B= A'C = a. Tinh thé tich khdi ling try ABC.A'B'C'?

A B. “3*/5. C. “3*/5. p. <
4 4 4 4
Loi giai
Chon B
P
A C

B
Goi H la trong tim tam giac ABC . Theo gia thiét ta c6 4ABC la tam giac déu canh bang a va
AA=AB=AC=a nén A ABC lata dién déucanh ¢ = A'H L (ABC) hay A'H 1a dudng
cao cia khdi chop 4'.4BC.

(

Xét tam gidc vudng A'HA tacd A'H =N A'4> — AH*

a’\3
.

Dién tich tam gidc ABC 1a S, = %a.a.sin 60° =

a*~3 a\/g _a3\/§

Thé tich khoi lang try ABC.A'B'C' 18 V . ype = VT



Cau 38: (THPT Chuyén Thai Binh-lan 2 nam hoc 2017-2018) Cho hinh chép S.4BCD, day 1a hinh
chit nhat tim O, AB=a, AD=a3, SA=3a, SO vuéng goc véi mit day (ABCD). Thé
tich khéi chép S.4BC bang:

3 3
A. @*6 . B. 24 V6 c. 2 \/6. D. 24°6.

3 - 3

Chon C

Do SO vudng goc véi mat day (ABCD) nén SO la dudng cao cua hinh chop S.4ABC.

Tacod AC =a*+3a> =2a = SO =JSA> — 40* =J94* —a* =22a.

2
1 Liafi=" V3

Laicd S ;. ==S 3

E ABCD —
3 o ae

2 3

Cau 39: (THPT Chuyén Thai Binh-Ian 2 nam hoc 2017-2018) Lang try ding ABC.A'B'C’' c6 day
ABC 1a tam giac vuong can tai 4; AB=AC = a5 ; A'B tao voi mat day lang tru goc 60°.
Thé tich khdi lang tru bang

3 3
A. &*6 . B. ¢ ‘/E. c. 24 ‘/5. D. 44°6.

= 2 3
Loi giai

Thé tich khdi chop S.4BC la: V =

W | =

Chon B



AJ'

Do ABC.A'B'C' la ling try ding nén (4'B,(ABC))= A'BA=60°.
Vay AA' = AB.tan60° = a+/15 .

2_5a3\/g

2

Thé tich lang tru da cho bang V ;. ,pe = a5 %(a\/g )

Chu 40: (THPT Chuyén Thai Binh-Iin 2 niam hoc 2017-2018) Thé tich khéi tir dién déu canh a+/3

bang:
3 3 3 3
A.“‘E. B.“‘E. C.3‘“E. Q.a*/g.
8 6 8 4
Lai giai
Chon D
A

Gia st tir dién déu ABCD canh a3 ¢6 O 1a trong tdm cua tam gidc BCD suy ra A0 la

. T 1
duong cao cua tirdiénnén V., = SSABCD.AO .

(a‘/g)z V3 _ 3a\3

4

2 3
1'3a \/§~a\/_=a\/g

|-
ABCD 3 4 4

: [2(a3)N3)

3 2

=av2.

C6 Sypep = ; 40=\4B*~0B" = |(a\3)

Vay

Ciu 41: (THPT Chuyén DHSP-Ha Noi-lan 1 nam 2017-2018) Cho hinh chop S.ABCD c¢6 day la hinh
vudng canh a, mit bén SAB 1a tam giac déu va nam trong mit phang vudng goc véi day. Thé
tich khoi chop S.4BCD la



3 3 3
A.aﬁ. B.“‘g C. a. D“‘B.
6 3 2
Loi giai
Chon A

Goi H 1a trung diém cia AB = SH L AB = SH 1 (ABCD).

a\/§ 1 1 ,a

Ta co: SH :T va S pep = a’. Vay: Vs isep ZESABCD'SH :gﬂ

a’\3
P
Cau 42: (THPT Chuyén DHSP-Ha Ni-lan 1 nam 2017-2018) Cho hinh chép S.4BCD c¢6 day la hinh
vudng, canh bén S4 vudng goc véi day. Goi M, N la trung diém ctia S4, SB. Mit phang
MNCD chia hinh chép di cho thanh hai phan. ti s6 thé tich hai phan S.MNCD va MNABCD

3_
2

la
A.é. Eg C.i. D. 1.
4 5 5
Chon B
, 1 .
Tacd Vs ype =Vsaep = EVSAABCD 5
. SM SN SC 1 ) SM SD SC 1
va Vg yne = S_AS_BE S.4BC ZZVSABC’ S.MCD — S_AS_DE $.4CD ZEVS.ACD'
3
Suy ra Vg nep =Vsame ¥ Vssier = ZVSABC = gVSAABCD .
P . 5
bong thoi V0 =V aseo = Vsamen = gVS.ABCD .
3

Vay ti s6 thé tich hai phan S.MNCD va MNABCD 1a 5

Cau 43: (THPT Chuyén DHSP-Ha Noi-lan 1 nam 2017-2018) Cho lang try dtng ABC.A'B'C' ¢6 day
1a tam gidc vudng cantai 4, AB=AC =a, A'A=2a. Thé tich ctia khdi tir dién 4'BB'C 1a



3 3
A2 B. 24°. C. d. p. L.
3 3
Loi giai
Chon D

. 1 1 a’
Taco Ve = EVABCAA'B'C’ = 52‘1-5 a’ = ?

Cau 44: (THPT Yén Lac-Vinh Phtic-Ian 3 nam 2017-2018) Cho lang tru ABC.A'B'C' ¢6 day la tam
gidc vuong can tai A, AB=a. Goi G la trong tim tam gidic ABC. Biét A'G vudng goc voi
mit phang (ABC) va A'B tao voi day mot goc 45°. Tinh thé tich khdi chop A .BCC'B'.

3 3 3 3
A."‘E. B."‘/g. C."‘/g. D.‘“/g.
9 6 3 4

Loi giai

Chon A

2 2 24 a5 a5

—_— —_— ! —_—
Viscos ==Viscwse ==S5c-AGC =—.—. =

3 3 32 3 9

Cau 45: (THTT So 4-487 thang 1 nam 2017-2018) Cho t&t dién O.4BC c¢6 cac canh O4, OB, OC doi
mot vudng goc voi nhau. Biét 04 = 2(ecm), OB =3(cm), OC =6(cm). Tinh thé tich cua khéi
ta dién O.4ABC .
A. 6(cm’). B. 36(cm’). C. 12(em’). D. 18(cm’).



Chon A
. (04108
Ta co: :OAJ_(OBC).
041 0C
Do d6 V,, 0 = l.OA.SOBC = %.OA.OB.OC = %.2.3.6 =6 (cm’).

Cau 46: (THTT S6 4-487 thang 1 nam 2017-2018) Dién tich toan phan cuia mot khdi lap phuong la

150 cm?. Tinh thé tich ctia khéi 1ap phuong.

B. 100 cm’. D. 75cm’.

A. 125 cm’. C.25cm’.
Loi giai

Chon A

Goi canh ctia khdi 1ap phuong 13 @ . Ta c6 dién tich toan phan cua hinh lap phuong 14

6a’ =150 < a’ =25 < a=5.
Vay thé tich khoi lap phuong 1a V = a® =5° =125 em’.
CAu 47: (THTT S6 4-487 thang 1 nam 2017-2018) Cho tt dién MNPQ. Goi I ; J; K lan luot 1a trung

diém ctia cac canh MN ; MP ; MQ . Ti sé thé tich VMi bing

MNPQ
AL B. L c L D L
3 4 6 8
Loi giai
Chon D
M
I K
N 0
P
Vi ML MJ K 1111
222 8§

Ta co: = . . =
Vineo MN MP MQ



Ciu 48: (SGD Bic Ninh nim 2017-2018) Hinh chop déu S.4BCD tat ca cac canh bang a. Dién tich
mat cau ngoai tiep hinh chop la:
A. 4ra’. B. 7a’. C. \2zd’. D. 2rza’.
Loi giai
Chon D

Rk BN

W

~

N
<~
N
~
' S
\

\
\
/
oA

Goi O la tim mit day, M l1a trung diém SA, ké MI LS4, (I e S0).
S.ABCD 1a hinh chép déunén 7 1a tim mit cdu ngoai tiép hinh chép, ban kinh R = IS .

Lsa a
ASMI déng dang véi ASO4 =M 5L gy SM.SA 5 2 _a
SO SO s4?-o4 \/ , & 2
2
2

Vay S, =47R* =27a’.

Cau 49: (SGD Ninh Binh nim 2017-2018) Cho hinh chép S.4BC c6 A’ va B’ lan luot 14 trung diém
cia S4 va SB. Biét thé tich khdi chép S.ABC bang 24. Tinh thé tich ¥ cia khdi chop

S.A'B'C.

A.V=12. B. V' =8. C.V=6. D.V=3.
Loi giai

Chon C

Ta cé Vsapc = S_A,S_B,E - ll
Vouse SA SB SC 22
R 1 1
Vay Vs ipe = Z‘VSAABC = 1-24 =6.

-



Cau 50: (SGD Ninh Binh nam 2017-2018) Cho hinh chép S.4BC c6 canh bén SA vuong goc véi mat
phang day (ABC). Biét SA=a, tam gidc ABC 1a tam gidc vudng can tai 4, AB=2a. Tinh
theo a thé tich ¥ ctia khdi chép S.4BC.

3 3 3
A.Vz%. B. V=24, C.Vz%. D. V=2

Loi giai

B

Chon D
Ta cor V = SAS, e = 54+ .ABAC =L a(2a) =24 (dvt).
3 3 2 6 3
Cau 51: (SGD Ninh Binh nim 2017-2018)Tinh thé tich ¥ cta khéi ling tru tam giac déu co tt ca cac
canh déu bang 4.

3 3 3 3
Ay B.y_Y20 c.y-Y3 Q.V:ﬁ“ .
3 4 2 4
Loi giai
Chon D
a3 a3
V= a= .
4 4

Cau 52: (SGD Ninh Binh nam 2017-2018) Cho hinh chép S.4ABC c¢6 tam giac ABC vudng can tai B,
AC = a2, mat phing (SAC) vudng goc véi mat day(4BC). Cac mit bén (S4B), (SBC)
tao v6i miat day cac goc bang nhau va bang 60°. Tinh theo a thé tich ¥ cia khdi chop

S.ABC.

NEYS NEYS NEYS NEYS

AV = . B. V= . C.V= . D. V= .
2 4 6 12

Loi giai
Chon D



B
Ta co: (SAC) L (ABC) va (SAC)m(ABC) =AC.
Trong mit phang (SAC), ké SH L AC thi SH 1 (A4BC).
Goi I, K 1an luot 1a hinh chiéu vuong goc cua H 1én canh AB va AC thi
((54B),(4BC))= SIH va ((S4C),(4BC))=SKH

Ma SIH = SKH = 60° nén HI = HK = tir gidc BIHK 1a hinh vuong = H 1a trung diém
canh AC.

a3

Khi do tr gidc BIHK 1a hinh vudng canh % va SH = HItan 60° ==

\/_ ( 2)2 \/_
N 1 1 a3 \av PN
Vay VSABC ZESABC'SH QVSABC :5 2 . 4 — 12 .

Cau 53: (THPT Chuyén PH KHTN-Ha Noi nam 2017-2018) Cho khéi ling tru ABCD.A'B'C'D’ cb
thé tich bang 12, ddy ABCD 1a hinh vuong tam O. Thé tich ciia khbi chép 4".BCO bang
A. 1. B. 4. C.3. D. 2.
Loi giai
Chon A

1

, 1
Visco= gd (A ’(BCO))'SBCO = EVABCDA’B’C'D' =1.

Cau 54: (THPT Chuyén Ha Long-Quang Ninh-I4an 1 nam 2017-2018) Cho khdi lang tru ABC.A'B'C’
c6 thé tich 1a V. Goi M 1a diém bat ky trén dudng thang CC’. Tinh thé tich khéi chop
M.ABB'A’ theo V.

AL B. .. c . p. 7.
2 3 9 — 3



Hwéng din giai

Chon D
Goi A, h, lan luogt la duong cao cia hai hinh chop M.ABC, M. A'B'C' thi h+h,=h la
duong cao cua lang tru ABC.A'B'C".
Ta co:
V=V asc *Varaspa + Vi awe
1 1 1 1
= E'SAABC‘hl + Vo aspa E‘SAA’B’C"hZ = 3 SAABC (hl + hz ) Vot appa = 5 VAV aspa
2V
Suy 1a Vi upps = 3

Cau 55: (THPT Chuyén Ha Long-Quéang Ninh-Iin 1 nim 2017-2018) Cho khdi chép S.ABC co
SA1(A4BC), SA=a, AB=a, AC =2a vi BAC =120°. Tinh thé tich khdi chop S.4BC.

3 3 3
A.‘“/g. B.‘“/g. C. a*\3. Q.‘“/g.
3 2 6
Huéng din giai
S
ANC ¢



Chon D

Ta ¢6: Vy 0 = %SA.SMBC = %SA.% AB.AC.sin BAC =

a3 (dvtt).
6
@3

Viy thé tich khdi chop S.4BC 1a -

Cau 56: (THPT Chuyén Ha Long-Quang Ninh-lan 1 nam 2017-2018) Cho hinh vudng 4BCD canh
a. Trén hai tia Bx, Dy vudng géc véi mat phang (ABCD) va clng chiéu lan luot 14y hai

diém M, N sao cho BM :%; DN =2a. Tinh goéc ¢ gilta hai mdt phing (AMN) va

(CMN).

A. p=30°. B. p=60°. C. p=45°. D. p=90°.
Huéng din giai

Chon D

Céch 1: Gin hé truc toa do nhu hinh vé&:

Ta co: B(0;0;0), 4(0;a;0), C(a;0;0), M(O;O;%j, N(a;a;2a).

2
AM = (O; —a;%j , AN = (0;0;24a), [A_M,A_ﬁ] = (—Zaz;%;azJ 1a vecto phap tuyén cia
mp (AMN).

2

CM = (—a; 0; %j , CN = (0; a; 2a), [C_]\Z,Eﬁ] = (_Z ;2a2;—a2j 1a vecto phap tuyén cia

mp (CMN).

Do d6: cosp =



Cach 2:

Taco: AAMN = ACMN (c.c.c) nén ké CH L MN tai H thi AH L MN .

Ma (AMN)N(CMN)=MN nén gbc ¢ giita hai mit phang (AMN) va (CMN) 1a goc giita
hai duong thang HA, HC .

Ta c6: MC =~/BC* + MB® = a 417 , NC=\CD*+ ND* =av/5,

2
MN =ME? + EN? = |2a? + 24 %4
16 4
. 2 2_ 2 .
cos MCN = MC+NC —MN" _ 2 McN =2
MC.NC J85 J85

1 = 9d’
= Sy =§MC.NC.smMCN =9%.

Tu do: CHZZSM:a:AH.Do AH? + CH? = AC® nén tam gidc AHC vuodng tai H .

Viay goc giira hai duong thing HA, HC bang 90°.

Cau 57: (THPT Chuyén Lé Quy Pon-Da Ning nam 2017-2018) Cho hinh chép tam gidc déu S.4BC
c6 d6 dai canh day bang @, goc hop béi canh bén va mit day bang 60°. Thé tich ctia hinh chop

da cho.
3 3 3 3
A. Va . B. Va . C. V3a . D. V3a .
12 6 3 4
Loi giai

Chon A



Goi M la trung diém cua BC, O latam cia AABC.
Goc gilra canh bén va mat day 1a goc SAM hay SAM = 60° .

2
Taco: AM =3 nén 40 = &; Dién tich tam gidc ABC la: S, = a3 ;
2 3
ASAO vudng tai O cé: SO = AO.tan 60° = #.\/5 —a.
2 3
Thé tich khéi chop tam gidc déu S.ABC la: V = %SABC SO = % a f a= “1\2/5 .

Cau 58: (THPT Chuyén Lé Quy Pon-Pa Ning nam 2017-2018) Cho hinh chép tir giac déu S.4BCD

c6 ddy ABCD 1a hinh vudng canh bing a3 va SA =SB =SC =SD =~/2a . Tinh thé tich khdi
chop S.ABCD ?

3 3 3 3
A. V2a . B. V2a . C. 3a . D. J6a .
6 2 3 6
Loi giai
Chon B

R 1%

Tacd S 0 = AB* =(av3 )2 =3a’.

Goi O 1a tam ctia hinh vudng ABCD. Khi d6 BO = %BD = %.aﬁ.f = “\2/3

Vi S.4BCD 14 hinh chép déunén SO L (4BCD).

2
SO =SB~ BO® = |2a* -2~ - L,
R
1 1 a a2
Vs asco :g'SO'SABCD 25-3-302 = 5 (dvtt).

Cau 59: (THPT Chuyén Phan Bi Chau-Nghé An- Ian 1 nam 2017-2018) Cho hinh chép ¢6 20 canh.

Tinh sb mat caa hinh chép do.



A. 20.

I®

11. C. 12. D. 10.
Loi giai
Chon B

S6 canh bén ciia hinh chop bang sé canh day.
£ A s sl 20
Suy ra s6 canh bén cua hinh chop la: > =10 canh.

Vay hinh chop c6 10 mat bén va 1 mat day.

Ciu 60: (THPT Chuyén Phan Béi Chau-Nghé An- Iin 1 nam 2017-2018) Thé tich khéi bat dién déu

canh a la:
3 3
A. V2a . B. \24°. C. £a3. D. V2a .
6 3 2
Loi gidi
Chgn C

Vi hinh bat dién ABCDEF ¢6 cac canh bang a = EF = a2 .
2aV2 o V2
ABCD 3 ° 2 ° 3 °

Ciu 61: (THPT Chuyén Phan Boi Chau-Nghé An- Ian 1 nim 2017-2018) Tinh thé tich caa khéi lang
tru déu ABC.A'B'C' ¢c6 AB=AA'=a.

NEYS NEYS

Khi d6 Ve =2V, o = 2%.150.5

NEYS

A. B. . C.d. D. .
4 6 12
Loi giai
Chon D
2 3
V=S8 ,,0.A4 = \/i“ a= */ia .

Cau 62: (THPT Chuyén Quéoc Hoc-Hué nam 2017-2018) Cho hinh chop S.ABCD c6 day la hinh vuong
canh a. Canh bén S4 vudng goc vdi mat day va SA=2a. Goi B';D'lan lugt 1a hinh chiéu
vudng goc ciia A4 trén cac canh SB,SD . Mit phang (AB'D") cat canh SC tai C'. Tinh thé tich
ctia khdi chop S.AB'C'D’



3 3 3 3
AL B. 1%¢ c. L. D. J2a
3 45 2 4
Loi giai
Chon B

Vise SB SC

Veiger
, . x VsaB'C’ _
Taco Vs jper =2V5 sper (1) ma ===

ASAC vuéng tai 4 nén SC? = SA> + AC* =(2a)’ +(a«5)2 =64’ suyra SC = a6
Tacod BC L(SAB)= BC L AB' va SB L AB' suyra AB' L (SBC) nén AB' 1 BC
Tuong ty AD' L SC. Tird6 suyra SC L (A4B'D')=(AB'C'D') nén SC L AC'

SC' SA* 4’ 2

Ma SC'.SC = 847 suy ra =——=——==. Ta cling cd
SC SC° 6a” 3

S_B’_SAQ_ sS4 4d’ _4
SB  SB®> SA*+AB* 4a*+a’ 5

8

8 8 1
T E Vasep = % Vsasen

Vowe 8
Ty ()=>S=—  suy ra Vo =—Vope =
Vepe 15 MEC s 15

ma

1 24°
Vasep = g S pep-SA=—

8 24° 8da’
SuyvraV. ,.,=——=—1
VI e T35 T s
\ 164’
Tu (1) suy 1a Vs ypep = 2Vs e :4_5-

Cau 63: (THPT Chuyén Qudc Hoc-Hué nam 2017-2018) Trong cic ménh dé sau diy ménh dé nao sai
?
A. Hai khdi 1ap phuong c6 dién tich toan phan bang nhau thi c6 thé tich bang nhau.
B. Hai khéi hop chit nhét c6 dién tich toan phan bang nhau thi c6 thé tich bang nhau.
C. Thé tich hai khdi chop co dién tich d4y va chiéu cao twong (mg bang nhau 1a biang nhau.
D. Thé tich cuia khéi ling tru bang dién tich ddy nhan véi chiéu cao.
Loi giai
Chon B



Xét hai khbéi hop chit nhdat c¢6 ba d6 dai 1a 1; 2; 3. Thi dién tich toan phan
S,=2(12+1.3+2.3)=22 thé tich V] =6.

Xét khdi hop chit nhat c6 ba kich thudéc 1a 1; 1; 5. C6 dién tich toan phén
S, :2(1.1+1.5+1.5):22 tuy nhién thé tich V,=1.1.5=5.

Cau 64: (THPT Chuyén Vinh Phic - [an 3 nam 2017-2018) Cho hinh chép S.ABCD c¢6 day 1a hinh

vudng canh . Hinh chiéu cia S trén mit phang (ABCD) tring véi trung diém ctia canh AB.

Canh bén SD = 37" Tinh thé tich khbi chép S.4BCD theo a.

A. l(13. B. ﬁcf. C. ﬁcf. D. ﬁcﬁ.
3 3 3 3
Loi giai
Chgn A

Goi H 1a trung diém ctia AB thi SH L (ABCD). Tacé HD = ﬁ nén

2
2 2
SH = /9L_5L:a
4 4

1 1 a’
VS.ABCD ZESH'SABCD :§.a.a2 :?.

Cau 65: (THPT Chuyeéen Vinh Phtic-1an 3 MD 234 nim hoc 2017-2018) Tinh thé tich V' cua khdi chir
nhit ABCD.A'B'C'D' biétring AB=a, AD=2a, AC' =a14.

a*14
3

A V=

. B.V=24". C.V=6a. D.V=a5.

Huéng din giai
Chon C



B (o

Taco: AC™ = AB* + AD* + AA™ & AA =\ AC”? — AB* — AD?
& AA =144 —4a*> —a* =3a.
Thé tich khoi hop chir nhat ABCD.A'B'C'D' 1a: V = AB.AD.AA' =64’ .
Cau 66: (THPT Chuyén Vinh Phtic-Iin 3 MD 234 nam hoc 2017-2018) Cho tir dién ABCD. Goi

B',C" lan luot 14 trung diém cua AB, AC. Khi dé ti s6 thé tich cua khdi t&r dién AB'C'D va
khéi tir dién ABCD bang:

Al B. 1. c.l p. L1
8 2 — 4 6
Huéng din giai
Chon C
A
B!
B D
c
Tacs Vanca LB AC'_11_1
Vigen AB AC 22 4

Cau 67: (THPT Chuyén Vinh Phuc-lan 3 MD 234 nim hoc 2017-2018) Tinh thé tich cua khéi bat dién
deéu co canh bang 2.
A B2 16 c. N2 p, 1642
- 3 3 3 3
Huéng din giai
Chon A



F
Goi ABCDEF 14 hinh bat dién déu c6 tim H (nhu hinh v&) c6 canh bang 2.

AC 2\/_ _.

Taco EH = AH =— 2

Thé tich cua bat dién déu da cho la

V :2VEAABCD 2. :15 SABCD EH =2.— 3 22

[_sx/_

Cau 68: (THPT Hoai An-Hai Phong nam 2017-2018) Cho t&t dién OABC c6 OA=a, OB=2a,

OC =3a d6i mot vuong goc voi nhau tai O. Lidy M 14 trung diém cia canh AC; N nam

trén canh CB sao cho CN = %CB . Tinh theo a thé tich khdi chép OAMNB.

A. 24°. B. —a’. C.=a. D. —a’.

[SSH R

Loi giai
Chgn C
Ta co:




Cau 69:

Veuse = %d (4:(OBC)).Syopc = éOA.OB.OC -

2 1 }
d (M;(OBC))E'SAOBC ZE'VOABC -

1
Vosc :gd(M;(OBC)).SAOCN = 3

1
2
2 3
3

W | =

3

3
a
Vioss =Vouse —Viosc =@ _?

(THPT Hoai An-Hai Phong nam 2017-2018) Tinh theo a thé tich khéi ling tru dung
ABCD.A'B'C'D' c6 day la hinh thoi canh a, goc BAD bang 60° va canh bén A4’ bang a.

A. 2a3. B. la3. C. £a3. D. \34°.
2 2 2
Loi giai
Chon C
B.’ C'
I
|
A’ i o)
I
I
a l
By
//}c\\\ ’/’,»’ C
a//// \\\\"/,”’/”
//// ,”””/’0\ \\\
A a D
Trong (ABCD) goi O=ACNBD.
Ta co: AABD 1a tam giac déu canh a.
= BD=a, AC=240 =a /3.
A o7 As 1< \ ’ 1 ’ 1 \/§ 3
Thé tich khoi lang tru la: V' =S8 ;.44 :E.BD.AC.AA :Ea.a 3.a :7(1 .

Cau 70: (THPT Hoai An-Hai Phong nam 2017-2018) Cho hinh chép tam gidc S.4BC co day la tam giac

cin AB=AC=a, BAC = 120°, canh bén S4= a3 va vuong goéc v6i mit phang day. Tinh
theo a thé tich ctia khdi chop S.ABC.
3

A. £a3. B. ga3. c. X243, D. las.
12 4 4 4
Loi giai
Chon D



A C

B
. 2
Ta ¢ Sy pc =%AB.AC.sinBAC =4 f .

3
Vay thé tich khéi chép S.4BC 1a Vg 4zc ="T.

Cau 71: (THPT Hoai An-Hai Phong nam 2017-2018) Tinh thé tich ciia khi tir dién déu canh 24

3 3 3
A. 224 B. 24/24°. c. Y2 p. Y2
3 4 12

Loi giai
Chon A

S

y c
B

Gia sir tir dién déu SABC . Goi O 1a tim ctia tam giac ABC.Taco V = %SO.dt(ABC) .

dt(ABC) :%AB.AC.sin 60° =a*3, 04= 2“3‘/5 = SO=+SA* - 04 :#.

3
V= %SO.dz(ABC) - 2"3*/5

3
* Dung cong thtrc tinh nhanh V = AB3.1£ = (2ar)3 % _2a 3\/5 :

Ciu 72: (THPT Hoai An-Hai Phong nam 2017-2018) Tim tat ca céc gia tri thuc cia tham sb m dé dd
thi ham s6 y = x* — 2mx? c6 ba diém cuc tri tao thanh tam giac c6 dién tich nho hon 1.

A. m<1. B.0<m<34. C. m>0. D. 0<m<I1.
Loi giai.
Chon D
Taco: D=R .
, X x=0
Y'=4x —dmx , y'=0 S 4x —dmx =0 |
= m(¥)

Ham sb c6 ba cuc tri y" =0 c6 ba nghiém phan biét < (*) ¢6 hai nghiém phan biét < m >0 .



Khi d6 y' =0 c6 ba nghiém 12 —/m ;0;+/m = db thi ham sb c6 ba diém cyc tri 1a
A(—\/Z;—m); B(0;0); C(x/%;—m)-

Goi H la trung diém AC = H(O;—m).

Ta co: S, e = %AC.BH = %.2\/Zm = mm .

Theo yéu ciu bai toan ta c6: my/m <1 < m’ <1.

Cau 73: (THPT Hoai An-Hai Phong nam 2017-2018) Tim sb nghiém thudc doan [27[; 47[] cua phuong

trinh Sin2x =0.
cosx+1
A. 5. B. 6. C.3. D. 4
Loi giai.
Chon D

Diéu kién: cosx # -1 < x#=r+k27;k e Z.

Véi diéu kién do ta c6 phuong trinh sin 2x =0<:>sin2x=0<:>x=k—”;. kel
cosx+1 2
x="4kn
Déi chiéu déu kién ta duoc |~ 2 kel .
x=k2x
S5x r
Do xe[27r;47z]:>x=—;x=7;x=27r;x=47r.

Cau 74: (THPT Hoai An-Hai Phong nim 2017-2018) C6 3 vién l?i den khac nhau, 4 vién bi do khac
nhau, 5 vién bi xanh khac nhau. Ho6i c6 bao nhi€u cach xép cac vién bi trén thanh day sao cho
cac vién bi cung mau ¢ canh nhau?

A. 345600. B. 518400. C. 725760 . D. 103680.
Loi giai.

Chon D

Sb cach xép 3 vién bi den khac nhau thanh mot day bang : 3! .

S6 cach xép 4 vién bi do khac nhau thanh mot day bang : 4! .

S6 cach xép 5 vién bi den khac nhau thanh mét ddy bang : 5! .

S6 cach xép 3 nhom bi thanh mot diy bang : 3! .

Viy s6 cach xép thoa yéu cau dé bai bang 3!.41.5!.31=103680 céch.

Cau 75: (THPT Hoai An-Hai Phong nim 2017-2018) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh
chit nhat véi AB =3a,BC =4a,S4A=12a va S4 vudng gbéc voi day. Tinh ban kinh R cua
mat cau ngoai tiép hinh chop S.ABCD .

A.R:B—a. B.st—a. C.R:”—a. D. R=6a.
2 2 2

Loi giai.
Chon A



BC 1 AB .
Ta co: = BC L (SAB) = BC L SB = ASBCvudng tai B .
BC 1 54

CD 1 AD
CD 1S4

SA L (ABCD) = SA L AC = ASAC vudng tai 4 .

Tuong tu: { =CD 1 (SAD) = CD L SD = ASAD vudng tai D .

Goi [ l1a trung diém SC tacé IA=IB =IC =ID=1IS = % = I 13 tAm mit cau ngoai tiép

S.ABCD .
Khi d6 ban kinh mat cau ngoai tiép S.ABCD 1a R = % .

Taco: AC =~ AB* + BC* =5a .

SC=~/84* + AC* =13a .

13a
Vay R=—.
ay >

Cau 76: (THPT Hoai An-Hai Phong nim 2017-2018) Cho hinh chép S.4BC c6 day ABC la tam giac

vudng cin; AB = AC = a ; mit bén SAB la tam giac vudng cin tai S va nam trong mit phing
vudng goc v6i day. Tinh theo a thé tich ciia khdi chop S.4BC.
A g B. ﬁcf. C. £a3. p. Lo,
- 12 4 12 4
Loi giai
Chon A



)

B

Vimit bén SAB vudng can tai S va vudng goc v6i (4ABC) nén duong cao cua hinh chop 1a

SH véi H 1a trung diém ciia 4B .
Mat khac tam gidc S4B vuong can tai S nén SH = %AB .

3
Ta co: Vs e = %.SMBC SH = %.AB.AC.%AB - ;‘—2

1

3

Ciu 77: (THPT Hoéng Quang-Hai Dwong nam 2017-2018) Cho hinh chép S.4BC c¢6 tam gidc ABC
vuong tai B, BC=a, AC =2a, tam giac SAB la tam giac déu. Hinh chiéu cua S 1én mat
phang (ABC) trung véi trung diém M cua AC . Tinh thé tich ¥ ciia khoi chép S.4BC.

3 3 3
a c.y=% D V:3L

N - V=g

Loi giai

A V=20, B. V=

By

Chon A

Tam gidc ABC vudngtai B: AB=+vAC>*—BC* =a 3.
Tam giac SAB déunén SA= AB = a3 .
Tam gidc SAM vuong tai M nén: SM =+/SA> — AM* = a2 .



3
a

Jo

Céu 78: (THPT Kinh Mo6n 2-Hai Dwong nam 2017-2018) Cho khéi chép OABC c6 04, OB, OC d6i
mot vuodng goc tai O va O4=2, OB=3, OC =6. Thé tich khoi chop béng
A. 12, B. 6. C. 24. D. 36.

Loi giai

Vay V :%.SAABC.SM d =

Chon B

Thé tich khéi chop: V = % S ,0us0C = %G OA.OBj 0C =6.

A

Céu 79: (THPT Lé Hoan-Thanh Hoéa-I4n 1 nim 2017-2018) Cho khdi chop déu S.4BC canh day bang
a, canh bén bang 3a . Tinh thé tich khéi chop d6 ?

3 3 3
“‘/3. B.V:“‘/ﬁ. g.V:“\/%. D.V:“‘/ﬁ.
4 12 12 6

Loi giai

AV =

Chon C

S

Goi G la trong tdm cua tam giac ABC.

14 :% SG. S, s (do khéi chép S.ABC déu).



2
Taco AG=2.93 0V o6 Jsi—agr -2 . SMBC=M;
372 3 NG 4
2 3
Suy ra V:l.a\/%.a \/gza V26 (dvtt).
33 4 12

Cau 80: (THPT Lé Hoan-Thanh Héa-lan 1 nam 2017-2018) Hinh chop tir gidc S.ABCD c6 déy 1a hinh
chit nhat canh AB=a, AD=a\2, SA L (ABCD), gbc giita SC va day bing 60°. Thé tich
hinh chép S.4BCD bang

A. 24 B. 3a’. C. Jo6a’. D. 3.24°.
Loi giai

Chon A

Tacd AC =+ AB>+BC* =a 3.

Goc gitta SC va day bang goc SCA=60°. Suy ra S4=AC.tan60°=3a .
Thé tich hinh chop bang V, ., = %SA.SABCD - %3(1.412\/5 V2.

Cau 81: (THPT Lé Hoan-Thanh Hoéa-1an 1 nam 2017-2018) Cho ling tru ABC.A'B'C’ c¢6 day 1a tam
gidc déu canh a, A4'=b va AA' tao v6i mit day mot goc 60°. Tinh thé tich khdi lang tru.
A. gazb. B. éazb. C. ﬁazb. D. lazb.
4 8 8 8
Loi giai
Chon B

Ké A'H 1L (ABC) tai H



Suy ra goc gitta A4’ va day bang A AH = 60°

:>sin60°:ﬂ:£:A'H:£A’A:@_
A4 2 2 2
2
D0 dd Ve ppe = A'H.S o = @%az sin60° =242

Cau 82: (THPT Lé Hoan-Thanh Héa-lan 1 nam 2017-2018) Cho hinh chép S.ABC c¢6 ddy ABC la
tam giac déu canh a. S4 vudng goc véi day va tao v6i duong thang SB mot goc 45°. Tinh
thé tich khdi chop S.4BC.

3 3 3 3
A.“‘/g. B.“‘/g. C.“‘/g. Q.“‘B.
6 4 24 12
Loi giai
Chon D

B

Tacod: S4 L (ABC ) — SA 1a chiéu cao cta hinh chép = S4 L 4B = ASAB vudngtai A.

L —

= (S4,SB) = ASB = 45° = ASAB vuong cin tai 4 = SA=AB =a.

2 3
Viy thé tich cua khéi chép S.ABC la: V = %SABC-SA = % : f “ a1\2/§ '

Cau 83: (THPT Lé Hoan-Thanh Héa-Ian 1 nam 2017-2018) Cho hinh chép tir gidc déu S.ABCD c6 tat
ca cac canh déu bﬁng 2a, O=AC N BD. Tinh d9 dai SO cua hinh chop:

A. a2 B"*/5 c. 3 Dﬁ
A. a2, L L S

Chon A




Ta co AO=§=¢1\/§; SO =~ISA> — A0* =4d> -24* = a2

CAu 84: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Tong dién tich tat cd cdc mat ciia hinh bat
dién déu canh bang a 1a
A. 4a’. B. 2a%3. C. 4’3, D. a*\3.
Loi giai
Chon B . o
Hﬂinh bat dién d{:u ¢6 6 dinh, 12 canh, 8 mat Vfl‘ cac mat 1\2‘1 nhitng tam giac déu bang nhau.
Tong dién tich tat ca cac mat cia hinh bat dién déu canh bang a la:

2
5=84 ﬁ:zazﬁ.

4
Cau 85: (THPT Phan Dang Lwu-Hué-Tan 1 nam 2017-2018) S canh cua hinh 12 mit déu la:
A. 30. B. 16. C.12. D. 20.
Loi giai
Chgn A

Ta ¢6 sb canh cua hinh mudi hai mat déu 1a 30.
Cau 86: (THPT Phan Diang Luu-Hué-lin 1 nim 2017-2018) Cho (H) 1a khdi lang try dung tam giac

déu c6 tat ca céc canh déu bing a. Thé tich cta () bang:

3 3 3
a\/g‘ C.a\/g. D.a\/z.
2 - 4 3

3
AL B.
2

Loi giai
Chon C

* Pay lang try 1a tam giac déu canh a nén c6 dién tich 1a S = ,duongcao h=a.

a*\3
4

a3

* Vay thé tich khéi lang tru V =S = L

CAu 87: (THPT Phan Diang Lwu-Hué-lan 1 nam 2017-2018) Lang tru ABC.A'B'C" c¢6 day 1a tam giac
3
vudng cin tai A, AB=a, biét thé tich cua ling try ABC.A'B'C' 1a V :4% .Tinh khoang
cach h gitta AB va B'C’.
8a 3a 2a

A h=—. B. h=—. C.h=—. D. h=
- 3 8 3

w |

Loi giai
Chon A



AI

Taco AB||(A'B'C')=>d(A4B,B'C')=d(AB,(A'B'C"))=d(B,(4'B'C")).

2
a

S =—.
asc =
4a’
V=Spehoh=""t—=3 80
mpc 4 3
2

Ciu 88: (THPT Quing Xwong 1-Thanh Hoéa nam 2017-2018) Cho hinh chép tam giac déu S.4BC
dinh S, d6 dai canh day 1a a, canh bén bﬁng 2a. Goi [ 1atrung diém cua canh BC. Tinh thé
tich V' ctia khdi chop S.A4BI .

A a1 5 @11 o @1 p. @I
S B~ e L

Loi gii
Chon B

)
A
C
1
B
2
Goi O 14 hinh chiéu cta S 1én (4BC) tac():SOzx/SBz—BOZ=‘/4a2—%=a\£§
2 3

SV =18, .50=11 3 V33 _a'Vin

3 3 8 3 24



Céu 89: (THPT Quang Xwong 1-Thanh Hoéa nam 2017-2018) Cho hinh hdp chit nhdt ABCD.A'B'C'D’
c6 thé tich bang 1 va G 1a trong tdm tam gidc BCD' . Thé tich ¥ ctia khéi chop G.4ABC' la:

A.V:l. B.V:l. C.V:L. Q.V:L.
3 6 12 18
Loi giai
Chon D
A . B
D — : C!
\\5\\\0
4 B
b C

Goi O 1a tAm hinh hop

Ta c6 G la trong tm tam gidc BCD' = % =% nén V, o = %VC.ABC.

. I
Ma Ve p0 = EVABCD‘A’B’C'D’ = g nén Vg ype = ﬁ

Cau 90: (THPT Quing Xuwong 1-Thanh Héa nim 2017-2018) Cho khéi lang tru tam gidc déu
ABC.A'B'C’ c6 canh day bang a~/2 va mdi mat bén c6 dién tich bang 4a”. Thé tich khdi lang

tru do la
3 3

- ;/g‘ B. a*6 . C. 24°6 . D. 2“3*/3.

Loi giai
Chon B

4 ¢

B
Do ABC.A'B'C' 1a khdi ling try tam giac déu nén ABB'A’ 14 hinh chir nhat.
Miat  khac mdi mit bén  c6  dién  tich  bang 44° nén

2 2
da 3 o ua =224,

ABAA =4a’ & AA =—— < A4’
AB

a2



Thé tich khéi lang try ABC.A'B'C’ 1a

1 . 1 .
Viscawe = EABAB-SIH 60°.44" = 54 2.a~/2.5in60°2v2a = a*\6 .

Céu 91: (THPT Trin Qudc Tudn nam 2017-2018) Tinh thé tich ¥ ctia khdi chép tt gidc déu S.ABCD
biét canh day bang a va goc giita mit bén v6i mit day bang 45°.
3 3 3 3
a2 2 cv==_, D.v=2

A V= . B.V=—. . .
6 - 6 3 4

Huéng din giai
Chon B

S

Goi O 14 tim ctia hinh vudng, vi S.ABCD 14 hinh chép déu nén SO L (ABCD) .
Goi M 14 trung diém cua CD, khi d6 OM =% va goc gilta mit bén v6i mit day bang

SMO = 45°.
Trong tam giac SMO vudng can tai O c6 SO=0M = %.
a a

Vay thé tich khdi chép 1a ¥V = lpa_a
372 6

Cau 92: (THPT Thanh Mién 1-Hai Dwong-lan 1 nam 2017-2018) Cho khi chép tam gidc S.ABC co
SA L (ABC), tam giac ABC c6 dd dai 3 canh1a AB=5a; BC=8a; AC=7Ta, goc gilta SB
va (ABC) 1a 45°. Tinh thé tich khoi chép S.4BC.

wcf. . 5—Oa3. D. Mf.

3 3 3
Loi giai

A. 50434, B.

Chon B



_ AB+AC+BC _

Ta c6 ntra chu vi AABC 1a p 10a.

Dién tich AABC 14 S, ;. =/10a.5a.3a.2a =10+/3a’ .
SA L (ABC) nén ASAB vudng, cantai A nén SA=AB=5.

1 1

Thé tich khi chop 5.ABC 1a V. jye =5 SASypc =~ 5a.10 i 503@ )

Céu 93: (THPT Thanh Mién 1-Hai Dwong-lan 1 nam 2017-2018) Cho khoi da dién déu loai {3;4} .

Téng cac goc phang tai 1 dinh cta khdi da dién bang
A. 180°. B. 240°. C. 324°. D. 360°.
Loi gidi
Chon B
Khoi da dién déu loai {3;4} 1a khdi bat dién déu, mdi mit la mot tam gide déu va tai mdi dinh

c6 4 tam gidc déu nén tong cac goc tai 1 dinh bang 240°.

Cau 94: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Cho lang try ding ABC.A'B'C" c6 day la

tam giac vuong tai 4, AC:a,A/@:60° goc gitta BC' va (AA4'C) bang 30°. Tinh thé tich

V cuia khoi lang try ABC.A'B'C'.

24’ a3 a’\6

—. C.V= . D. V= .

J6 6 2
Léi giai

A V=d"6. B. V=

Chon A




Tam giac ABC vudng tai 4, c6 tan ACB = j—i = AB= AC.tan 60° = a/3..

1 azx/§

Tam gidc ABC co6 diéntichla S . =§AB.AC =

= AB | (AA’C'C). Do d6 AC' 14 hinh chiéu cua BC' 1én (AA'C'C) )

| 4B L AC
Ta co
AB 1L AA'

= (BC',(44'C)) =(BC', AC") = BC'4 = 30°.

Tam giac AC'B vudng tai 4, co cot AC'B = % = AC' = AB.cot30° = a\3+/3 =3a.

Tam gidc ACC' vudng tai C, cd CC' =~ AC” — AC> =~9a* —a* =2av2 .

2
Thé tich cta khéi ling try ABC.AB'C' 1aV =8 ,,..CC" =< 2\/3 2a\2 =’ 6.

Cau 95: (THPT Trin Hung Dao-TP HCM nam 2017-2018) Cho hinh chép S.4BC c6 thé tich bang

3
a3 , day 1a tam giac ddu canh a~/3 . Tinh chidu cao 4 ciia hinh chép d cho.

A n=2a B. h=2. C. h=4a. D. h=3%
3 4 4
Loi gidi
Chon A
3 a'V3
Ta co: VzlSABC.h =>h= V. 3 =ﬂ.
3 NER!

SABC (a\/g)z ND

4
Cau 96: (THPT Tran Hung Dao-TP HCM nam 2017-2018) Cho khéi chép S.4BCD c6 day 1a hinh
vudng canh a. Mit bén SAB la tam giac déu, mat phang (S4B) vudng goc véi mat phang
(ABCD) . Tinh thé tich V' ctia khdi chép S.4BCD .
NS E.V=“3*6. c.y-a¥3 Y
12 6 4 9
Loi giai

Chon B



D
s i . [(S4B) L(ABCD)
Goi H latrung di€ém AB,taco =SH L (ABCD) .
SH 1 AB
3
Ta co: VSABCD:lSABCD SH —3 a’ a{ g/g

Cau 97: (THPT T Ky-Hai Dwong nam 2017-2018) Cho hinh chop S.4BC c6 day ABC la tam giac
déu canh a, SA4 vudng goc v6i mit phang day. Goi I 1a trung diém cua BC , goc giita (SBC)
va (ABC) béang 30°. Thé tich khoi chép S.4BC bang:

a3 g @6 a*\6 a3

. C. . D.
8 24 8 -

Huéng dan giai

24
Chon D

B

BC 154 e
Ta cé{ = BC 1(SAI) = BC L SI = ((A4BC),(SBC))=SI4 =30’
BC LAl

Do tam gidc ABC déu canh a nén AI = f

Xét tam gidc vudng SAI ¢6 SA = Al.tan SIA < SA = 13 “\2/5 = %
3
Thé tich khéi chép S.ABC 1a V, 0 =~ BC.ALSA = L a. a3 a_av3
ABC 7379 6 2 2 24



Cau 98: (THPT T Ky-Hai Dwong nam 2017-2018) Tong dién tich cdc miat ciia mot hinh lap phuong

bang 96 cm® cm?. Thé tich cua khdi 1ap phuong do 1a:

A. 64cm’. B. 84cm’ . C. 48cm’ . D. Olcem’ .
Hwéng din giai

Chon A

Goi a la d6 dai canh ctia hinh 1ap phuong.

Téng dién tich cac mat ctia mot hinh 1ap phuong 1a: 64 =96 < > =16 = a = 4cm.

Thé tich ctia khdi 1ap phuong do la: ¥ =4° = 64 cm’.

Cau 99: (THPT Tt Ky-Hai Dwong nam 2017-2018) Cho khéi ling tru dimg ABC.A'B'C’ ¢6 day ABC

Cau 100:

1a tam gidc can v6i AB = AC =a, BAC =120°, mit phing (4'BC") tao v6i ddy mot goc 60°.
Tinh thé tich cua khdi lang tru da cho

3 3 3 3
A.V:%. B.V:%. C. V3a i D.V:3‘/§“ .

8 - 8
Huéng din giai

Chon A

Ha BT L A'C'. Khi dota o ((4'BC')(4BC))= BB = 60°

Vi BA'C'=120° = B'A'l = 60°. Do d6 sin60°=%<:>3’1:a‘2/§_

’

Suy ra tanl?ﬁ?:%<:>tan60°=ﬁ < BB' = a23 .\/723%1

1 1 a aZ\/§
Mat khac S, ,,. =—.AL.BC=—.2 a3 = .
' MBC 9 22 3 4
2 3
Vay thé tich khéi chop 1a ¥ = Bh =2 . 3 .“73= 3‘/3“ .

(THPT Xuan Truong-Nam Dinh nam 2017-2018) Thé tich ctia khdi ling tru tam giac déu co
tat ca cac canh déu bang « la:



a*\2 a*\2 a3 a*\3

— > R .
Loi giai
Chon D
2 3
TacéVthzaf.azaf.

Cau 101: (THPT Xuan Trwong-Nam Dinh nam 2017-2018) Cho hinh chop S.4BC c6 day ABC la tam
gidc vudng tai B . Biét ASAB 1a tam giac déu va thudc mit phing vudng goc voi mit phiang
(ABC). Tinh theo a thé tich khdi chop S.4BC biét AB=a, AC=avl3 .

3 3 3 3
A."‘/E. B. L. C.‘“/g. D.‘“/g.
6 4 4 12
Loi giai
Chon B

Goi H 1a trung diém cta 4B, do tam gidc SAB déunén SH L AB ma (SAB) L(ABC) nén
SH 1 (A4BC).

ax/§ . 1 az\/g ne 1 1 a\/§ a2x/§
2 2

Taco SH=""va §,,. =~ AB.AC = 0V o ==SH.S o =~
2 2 3 2

_ @
S.ABC ABC 4 N
Cau 102: (THPT Lwong Van ChasnhPhus Yén nam 2017-2018) Cho hinh chép S.4BCD . Goi M,
N, P, O theo tht tu 1a trung diém ctia S4, SB, SC, SD. Tinh ti s6 thé tich ctia hai khoi
chop S.MNPQ va S.ABCD bing
1 1 1 1

A —. B. —. C. —. D. —.
- 8 2 4 16

Loi giai



M 0
D
A
B
C
Tacd Vs e = gVSABC va VSAMQP = gVSAADC

1
= VSMNPQ = VS.MQP + VSMNP = g VS.ABC + g VS.ADC = g VS.ABCD

V. 1
= saveo _ L
V&ABCD 8

Cau 103: (THPT Lwong Van ChasnhPhus Yén nam 2017-2018) Cho khdi ling truy 4BC.A'B'C’ c6 day
ABC 1a tam giac déu canh bang a, canh bén A4’ = a, goc giira A4’ va mit phang day bang
30°. Tinh thé tich khéi lang tru da cho theo a.

NG o3 o3 o3

. B. . C. . D.

- 8 24 4 12
Loi giai

Chon A

Ké A'H 1 (ABC), H €(ABC). Khi d6 géc gitta A4’ va mit phang ddy bing goc gitta A4’ va
AH bing A'AH =30°.

Trong AAAH vuéngtai H,c6 A'H = A'A.sin A/AH = a.sin30° < A'H = %

a’\3 a3

’, ’ a
Tacd Ve ype =Sypc-AH = 4 5 S Viscape = 3

Cau 104: (THPT D6 Luong 4-Nghé An nam 2017-2018) Thé tich hinh chop tir gidc déu c6 tt ca cac
canh déu bang a bang



2
AOzlAC=£;S0:\/SA2—A02=1/a2—a—=a\/5.
2 2 2 2
1 1 a2 2_a3x/§

VZE‘SO‘SABCD :g. 5 a = 6

Cau 105: (THPT D6 Lwong 4-Nghé An nam 2017-2018) Lang try dung ABC.A'B'C' c¢6 day ABC la
tam giac vudng can tai B . Biét AC = a2 , AA' =2a. Khi d6 thé tich cta lang try d6 bang.
A a’. B.a—3. C. 4a’. D.4—as.
3 3
Loi giai
Chon A

BV

B
Tacd AB* +BC* = AC? < 2A4AB* =24* < AB=a.

Viscape =S pc-44' :%ABZ-AA' Z%.az.Za =a’.

Cau 106: [2D1-2](THPT D6 Lwong 4-Nghé An nam 2017-2018)

Puong cong trong hinh v& bén 1a d6 thi ciia ham s6 nao dudi
day?
x—1 2x-1
A y= . B. y= .
7 2x+1 7 x+1 -
C.y=2x—1' D.y=2x+1.
—-1+x 1-x

Loi giai



Cau 107:

Chon C
Ta (.:c') duong théng x =1 la duong tiém can ding cua dd thi ham s nén ta loai dap an A, B.
Ham s nghich bién trén cac khoang (—oo;l) va (l;oo) nén ta chon dap an C vi ham sb
p= 2l e o0 vsi vzl
—l+x (-1+ x)2

(THPT Hau Loc 2-Thanh Hoéa nam 2017-2018) Cho hinh chop S.ABCD c6 day ABCD 1la
hinh chit nhit véi AB =2a, AD = a~/2. Tam giac SAB déu va nim trong mit phing vuong
goc v6i day. Thé tich V' ciia hinh chop S.4BCD la:

a3\/g 2a° \/g

3

3 3
A.V=3“4*E. B.V=2“3*/§. C.V= D. V==

Loi giai
Chon D

B C
Goi H 14 trung diém ctia AB . Vi Tam giac SAB déunén SA L AB .
(SAB) L (ABCD)
Ta co: {(S4B)N(ABCD) = AB = SH 1 (ABCD)
SH 1 AB
Tam giac SAB déu AB=2a nén SH = 2a2\/§ =a\3.

3
Vay V= %SH.SABCD :%aﬁ.za.a\/_ = 2“3*/6 .

Cau 108: (THPT Chuyén Bién Hoa-Ha Nam-lin 1 nam 2017-2018) Cho hinh hop dung

ABCD.A'B'C'D' ¢6 ddy ABCD la hinh thoi canh a va BAD=60°, AB' hop véi day
(ABCD) mot goc 30°. The tich cuia khéi hop la
a2

3
c. L D. .
6

3
B. 3%
6

—_— 2 .

AL
2
Loi giai

Chon B



A’ / D

A D
Géc gitta AB' va (ABCD) bing B'AB.Suyra BB = AB.tan BAB = a3 .

@3 _3a
2 2

Thé tich khéi hop ding bang V = BB'.S ., = a/3.
Céau 109: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 nam 2017-2018) Cho hinh choép S.ABC c¢6
VS‘ABC:6a3. Goi M, N, Q lan luot 1a cac diém trén cac canhSA, SB, SC sao

choSM = MA, SN = NB,SQ=20C . Tinh V0 :

3
A. @ B.24’. C. 34°. D.%.

Loi giai

Chgn A

Ta cod M:&.ﬂg :l
Vi se SA SB SC 2
Ciu 110: (THPT Tran Nhan Téng-Quang Ninh-lin 1 nam 2017-2018) Cho hinh hdp dung

ABCD.A'B'C'D' c6 day la hinh vudng, canh bén bang 44'=3a va duong chéo AC'=5a.

Tinh thé tich khdi hop nay.

A.V=4a. B. V =24a’. C.V=12a. D. V =8a".

Hwéng din giai.
Chon B



B - C
Tacd A'C'=\AC? = 44" =/(5a)' —(3a)’ =4a.
suyra AC=4a= V2.4B = 4B=2\2a.

V senarwen = Sapen-AA = (2\/5(1)2 3a=24a".

Cau 111: (THPT Tran Nhan Tong-Quang Ninh-lan 1 nam 2017-2018) Cho hinh chop S.ABCD c¢6
ddy ABCD 14 hinh chit nhat. Hai mat phang (SAB) va (SAC) cing vudng géc véi mit phing
(ABCD). Biétring AB=a, AD =a~3 vi SC=+/7a. Tinh thé tich khdi chop S.ABCD .

A V=a. B.V=2a. C.V=3d. D. V =4d’
Hwéng din giai.

Chon A

Ta co

(S4B) L (A4BCD)
(SAC) L(ABCD) = SAL(ABCD).
(SAB)N(SAC) =54

AC =JAB* + BC? =1/a2+(a\/§)2 =2aq.
SA=~SC* - AC* = (a\ﬁ)z—(Za)z —a\3.



1 1 1
Vsasco =3 Suco-S4 =5-ABADSA=—aa 3a3=d’

Cau 112: (THPT Tran Nhan Tong-Quang Ninh-1an 1 nam 2017-2018) Cho hinh lang try ABC.A'B'C’
biét 4. ABC 1a tir dién déu canh canh bang a . Tinh thé tich khdi 4'BCC'B’.

3 3 3 3
Av=L. E.Vzﬁa . c.y=2 b, y =3
2 6 12 3

Hwéng din giai.

Chon B

Tacd Vypcew =Viscawe =V asc

2 3
=V 2y 25 oty =283 V6 _ a2

A'BCCB' — ABC.A'B'C’ — ABC
3 3 3 4 3 6

Cau 113: (THPT Tran Nhan Tong-Quang Ninh-lan 1 nam 2017-2018) Trong khong gian, cho tam
gidc ABC vudng tai cAn A, goi I 1a trung diém ciia BC, BC =2 .Tinh dién tich xung quanh
cta hinh non, nhan duogc khi quay tam giac 4BC xung quanh truc A/ .
A. S, =2r. B.S, =2r. C. S, =2V2z. D. S, =4r.

xq

Huéng din giai

Chon A

R:B—2C=1,1=AB:Ac:i=ﬁ.

V2

S —7R=-2x

Cau 114: (THPT Tran Nhan Téng-Quang Ninh-lan 1 nam 2017-2018) Cho hinh chép b >0 c6 day
ABCD 14 hinh chit nhat.Tam gidc SAB nam trong mit phing vudéng goc véi midt phang



Cau 115:

(ABCD) Biét ring AB=a, va ASB = 60°. Tinh dién tich cia khéi cAu ngoai tiép hinh chép
S.ABCD.

137a* B.S = 137a* C S_lliza2 D S_ll;ra2

A. S= . .
3 2 3

Huéng din giai

Chon B

Goi R, R, 1a ban kinh duong tron ngoai tiép hinh chir nhat 4ABCD va mit bén (SAB) .Goi R
1a ban kinh mat cau ngoai tiép hinh chép S.4BCD .

Khido R, =—AC=—\/a +3a° =a va R, = AB/\: 'a -4
2 2sin ASB 2sin60° /3

Vi hinh chop da cho c6 mat bén (SAB) vuong goc voi day (ABCD) nén ban kinh mit cau
hinh chop S.ABCD dugc tinh theo cong thirc:
2 2 2 2
R=p+p-A8 _p, & @ Ba
4 3 4 12

137a*

Dién tich cta khdi cau ngoai tiép hinh chép di cho 1a: S =47R* =

(THPT Tran Nhan Téng-Quang Ninh-lan 1 nam 2017-2018) Mot thay gido mudn tiét kiém
tién dé mua cho minh mét chiéc xe O t6 nén mdi thang giri ngan hang 4.000.000 VND véi 1ai
suat 0.8% /thang. Hoi sau bao nhiéu thang thay gido c6 thé mua dugc chiéc xe O to
400.000.000 VND?

A.n=72. B. n=73. C.n=74. D. n=75.

Huéng din giai
Chon C

A n
Taco § =—|(1+7) —1|(1+7).
= ey 1))
0,
log . S,.r 1] =log, . 400000000.0,8% 11|~73.3.
A(1+7) 4000000 (1+0,8%)
Vay sau 74 thang thay gido c6 thé mua dugc chiéc xe O t6 400.000.000 VND.



Cau 116: (THPT Yén Dinh-Thanh Héa-lan 1 nam 2017-2018) Cho khéi ling try ding 4BC.A'B'C' ¢6
BB'=a, ddy ABC 1a tam gidc vudng can tai B va AC =a~/2. Tinh thé tich ¥ cta khéi ling

tru da cho.
a a a
AV =—. B.V=—. CV=—m. D.V=d.
6 3 2
Hwéng din giai
Chon C
A’ (o
Bi’
a
B
Ta c6: AABC vudngcantai B va AC = a2 .
SAO =a.

Thé tich cua khdi lang tru 1a: V =S ,..BB' = %AB.BC.BB’ = %aS.
Céu 117: (THPT Yén Pinh-Thanh Hoéa-Ian 1 nim 2017-2018) Cho khéi chép S.ABCD c6 day ABCD
13 hinh binh hanh va c6 thé tich béng 48 . Goi M, N, P lan luot 1a diém thudc cac canh AB,

CD, SC sao cho MA=MB, NC=2ND, SP=PC. Tinh thé tich ¥ cta khéi chop

P.MBCN .

A. V=14, B. V' =20. C.V=28. D. V =40.
Hwéng din giai

Chon A

Dit CD =ava hla d6 dai duong cao ha tir 4 xubng CD.



Cau 118:

Cau 119:

Cau 120:

Dién tich hinh binh hanh ABCD 1a: S ,,., =a.h.

A gr b b N . 1 lfa 2a 7 7
Dién tich hinh thanh BMNC 1a: S, :E(BM+CN)h :E(E+?jh :Eah :ESABCD.

17 1 7 7

1
Suy 1a: Vp ynes = ESMNCB 'd(P,(MNCP)) = 312 SABCD'Ed(S,(ABCD)) EVSAABCD = 5-48 =14.

(THTT s6 5-488 thang 2 nam 2018) Tinh thé tich ctia mot hinh hop chit nhat biét ré'mg ba mat
ctia hinh nay c6 dién tich 1a 20cm?®,10cm?, 8cm®.
A. 40cm’. B. 1600cm’. C. 80cm’. D. 200cm’.
Loi giai
Chon A

Gia st hinh chit nhat ¢6 ba kich thuéc 1la a, b, c¢. Ta co
ab=20
ac=10 = a’.b*c’ =1600 = a.bc=40.
bc=8

Vay thé tich khbi hop chir nhat 1a 40cm’.

(THPT M Dtc-Quang Ngai-lin 1 nam 2017-2018) Cho khéi chop déu S.4BCD c6 day
ABCD 1a hinh vuong canh a, SA= a3 . Tinh thé tich ¥ cua khéi chop S.ABCD theo a.

A 26 0
26

A V=240 B.V=""¢. C.V D.V=""04¢
3 6

Chon D

Goi O la tam hinh vuéng ABCD = SO L (ABCD).

2
SO =~S4* - 04> = [3d* —% _4 210 .
1 1 a/10 az_\/ﬁf
. - 6 .

Thé tich cta khéi chép S.ABCD 1a V = E.SO.SABCD =375

(THPT M Ditc-Quang Ngai-lin 1 nam 2017-2018) Cho ling try déu 4ABC.A'B'C’ c6

AB' =3cm va duong thing AB' vudng goc véi duong thang BC'. Thé tich khdi ling tru
ABC.A'B'C’ bang



A. 2cm3. B. 24/3em’. C. ﬁcm3. D. 276 cm’ .
2 4 16
Loi giai
Chon A

B

Goi M 1a trung diém cua BC. Suyra AM L (BCC'B') = AM 1 BC'.
Ma BC' 1 AB'= B'M 1 BC'.

< / . = ——— a 2b a
it AB=a, AA'=b.Taco tan B'BC' = cot BB'M :>Z:—:>b:—.

a 2

2
Ma AB' =3 = AB* + A4* =3 = a2+a7:3:>a=\/g.

Thé tich khéi lang tru 1a ¥ = 44'.S ,. =36 2.? = %cm3 .

Cau 121: (THPT Hoang Hoa Tham-Huwng Yén-lan 1 nam 2017-2018) Cho hinh hop chit nhét
ABCD.A'B'C'D' ¢6 AB=a, BC=a, AA' =2a. Tinh thé tich khéi ABCDB'C'D'.
A. 24°. B.2d c. Vs D. 24
3 3 2
Loi gidi

Chon B
Thé tich khoi hop chir nhat: ¥ = A4".AB.BC =2a°.

3
Thé tich khéi chép 4'.BCD: V' = %.AA’%.BC.CD = % .
Thé tich khéi ABCDB'C'D": V jyeppery =V —V' = %cf :

CAu 122: (THPT Hoang Hoa Tham-Hung Yén-lan 1 nam 2017-2018) Cho hinh lang tru 4BC.4'B'C’
c6 ABC va A'BC la céc tam gidc déu, biét mit phang (A'BC) vudng géc véi mit phing
(ABC). Cé bao nhiéu mit phing (P) chita canh 44’ cta hinh lang tru va tiép xtic véi mét cau
duong kinh BC?
A 0. B. 2. C. V6 sd. D. 1.
Loi giai



Chon B

Goi / 1a trung diém cua BC . Theo gia thiét 47 L (ABC).

BC\3
2
AA' ndm ngoai mit cau dudng kinh BC .

Tacd A'l = Al =

. Ban kinh mit cau duong kinh BC bing %

Cé 2 mit phang (P) chita canh AA4' cua hinh ling try va tiép xtc voi mit cau duong kinh
BC.



Cau 1: (SGD Ba Ria Viing Tau-dé 1 nim 2017-2018) Cho khéi chép tir gidc déu c6 canh ddy bang a,
canh bén bang 3a . Tinh thé tich ¥ ctia khdi chop da cho.

3 3 3 3

*52“. B. V= 3;‘1. g.V:‘/f“. D.V:*E“.

AV =

Loi giai

Chon C

Goi O 1a tim mt day (ABCD) cta hinh chép tir gide déu S.4ABCD .
Ta c6 SO L (ABCD) = SO 1a dudng cao cua hinh chop.

Tam gidc S40 vuong tai O c6 OA:%AC= ‘“2/5, SA=3a = SO =S4 - 04’ =—‘“£§.

3
Khi do thé tich khéi chop tir gide déu la ¥ = %SABCD s0=2 f_“ .

Cau 2: (SGD Ba Ria Viing Tau-dé 1 nim 2017-2018) Cho khéi lang try tam gisc ABC.4'B'C". Goi M,
N lan luot 14 trung diém cua BB’ va CC'. Mit phang (A'MN) chia khdi lang try thanh hai
khoi da dién. Goi ¥, 1a thé tich ciia khdi da dién chita dinh B va ¥, la thé tich khi da dién con

lai. Tinh ti s6 —L.
v,

A.Szﬁ. §.£=2 C £:3_ D ﬁzé
3 v, v, v, 2
Loi giai

Chon B



B
Dit thé tich cua khdi lang tru ABC.A'B'C’ 1a V , khi 6 ta c6 thé tich khéi chép A'.ABC la
% = thé tich khbi chép 4".BCC'B’ = 271/
Mit khéc thé tich khéi chop 4.BCNM bang thé tich khdi chop A'.B'C'NM nén thé tich khi
chop A BCNM bang %

viy =2 r =l o b

2
Cau 3: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Cho khéi chép S.ABCD cé day 1a hinh chit nhat
AB=a, AD = ax/g, SA vuodng goc véi day va SC tao véi mit phang (SAB) mét géc 30°. Tinh

thé tich V" cha khéi chép d3 cho.

2a3\/g a3\/g

A. V= . B.V:
3

3 C.V=2J6a>. D.V:T.

Loi giai
Chon A

BC 1 AB
Ta co: { y = BC 1(S4B).

SB 1a hinh chiéu cua SC 1én mit phang (SAB).



= (SC,(S4B)) = (SC,SB) = CSB = 30°.

Xét ASBC vuong tai B, tacod: SB= BC = & =3a.
tan30° \/§
3

Xét tam gidc SAB vuongtai 4,tacod: SA= \/SB2 - AB* = \/9a2 —-a’.

3
Thé tich cia khéi chépla vV :%.SABCD.SA =%.a.a\/§.2af — 2\/561 .

Cau 4: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Cho khéi chép t gidc déu cé canh day bang a, canh
bén bang 2a. Tinh thé tich ¥ cla khéi chép d3 cho.

3 3 3 3
A.V:\/Ea . B.V:‘/E“ . C.V:‘/ﬁ“ . Q.V:‘/ﬁ“ .
6 2 2 6
Loi giai
Chon D

Ta ¢6: SO =+/SB* -~ OB* = \/(2a)2 —(“‘EI _Vlda

2
1 ) Vda  V144°

1
VZE‘SABCD‘SOZS'a T = 6

Cau 5: (THPT Lé Quy Don-Ha Noi nam 2017-2018) Cho hinh chop S.4BC co6 day la tam gidc vuong
tai A; AB=a; AC =2a.Dinh S cach déu 4, B, C; mit bén (S4B) hop v6i mat day mot
gdc 60°. Tinh thé tich khéi chép S.4BC.

A.V:%a3. B. V =3d’. Q.V:?cﬂ D.V=d.
L1 gidi
Chon C



Goi H 1a trung diém cta BC, vi AABC vuéng tai A nén H 13 tdm duwdng tron ngoai tiép tam gidc
ABC .Do S cichdéu 4, B, C :>SHJ_(ABC). Goi M 13 trung diém cla AB thi HM 1 AB

nén SM | AB.Vay gécgitta (SAB) va (ABC) 1a géc SMH = 60°.
) 1
Tacé HM :EAC:a . SH = HM .tan 60° = a~/3 .

3
Vay ¥y e :%SH%AB.AC =2 3*6

Cau 6: (THPT Lé Quy Don-Ha No6i nam 2017-2018) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh
thang v6i AD// BC va AD =2BC . Két luan nao sau dy dung?
AV asep =WV apc - B. Vs s =Vsupc- CoVeuper =V supe- DoV upep =2V5 ipe-
Loi giai
Chon C

, 1
Taco SAABC = ESABCD = Vs apc = EVSABCD .

Ciu 7: (THPT Ha Huy Tap-Ha Tinh-lan 2 nam 2017-2018) Cho hinh chép S.4BCD day la hinh

vudng canh a, SD = a\éﬁ‘ Hinh chiéu cua S 1én (4BCD) la trung diém H cua AB. Thé

tich khéi chop S.ABCD 1a



3 3 3
A2 2. B. ’V12. C. % D. 2-.

3 3
Loi giai
Chon A
.
_________ (‘
A “D
2 2
Tacd HD =~ AH? + AD? = ,/ a . SH =+/SD* — HD* = %“ — a2

Vay Vs isco :%‘SH'SABCD zé-a\/iaz =2 ;/5 :

Cau 8: (THPT Phan Chau Trinh-DakLak-lan 2 nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la
hinh thoi tam O, AB=a, BAD = 60°, SO L (ABCD) va mat phéng (SCD) tao voi mat day
mot goc 60°. Tinh thé tich khdi chop S.ABCD .

NEYS NEYS NEYS NEYS
A Vs asen :7' B. Vs ssep :T' C. Vs sen :T' D. Vs s5ep :W-
Loi giai
Chon B

A

Ta ¢c6 BCD = BAD = 60° , do d6 tam giac BCD déu canh a.

a3
=

Goi J la trung diém cta CD, khi d6 BJ L CD va BJ =

Goi [ latrung diém cua DJ , suy ra OI//BJ ,dodé OI L. CD.
Theo dinh li ba dudng vuong goc suy ra CD L SI .

Ta ¢6 (SCD)(4ABCD)=CD;
Trong (SCD) ¢6 SI L CD; trong (ABCD) ¢6 OI L. CD
Suy ra goc gilta (SCD) va (ABCD) 1a SIO = 60°.



Trong tam giac SO/ vudng tai O, co §Ib =60°, Ol = %BJ = % , do do

SO = OI.tan 60° = "43 A3 =%“.

2 2
Dién tich mit ddy S, =28, =22 ;/5 _a 2\/3 |
2 3
Thé tich khéi chép 14 Ve =%SO.SABCD :%.37",‘" f _a f '

Cau 9: (THPT Chuyén Lam Son-Thanh Hoéa-lan 2 nam 2017-2018) Cho hinh chép t& gidc déu cé canh day
bang a, canh bén bing a2 (hinh v&). Thé tich khai chép la

a2
a
3 3 3 3
A.‘“%. B.2a\/§. c. 46 D."‘B.
6 3 3 6
Chon A

Xét hinh chép tir giac déu S.ABCD .

2
Tacs: 0p- 282, 5050700 - 2a7 -4 - 45
1 1 a\/gaz_GS\/g

Vs.apcp = E‘SO'SABCD :g- 5 6
Ciu 10: (THPT Hong Linh-Ha Tinh-lin 1 nam 2017-2018) Cho khéi ling tru ABC.4'B'C’, mit bén
(ABB'A’) c6 dién tich bang 10. Khoang cach dinh C dén mt phing (ABB'A’) bang 6. Thé
tich khoi lang try da cho bang
A. 40. B. 60. C. 30. D. 20.
Loi gidi

Chon C



)
T 1a thA o N YT 3
Goi V' 1a the tich khoi lang try ABC.A'B'C" khi d6 —=—=— =V 0 pe :EVCAABB’A"
ABC.A'B'C’

Theo dé baitacd V. 0 = % 10.6 =20.

A 3
Vay Viscawe = 5-20 =30.

Cau 11: (THPT Hong Linh-Ha Tinh-lan 1 nam 2017-2018) Cho hinh chép S.4BC c6 goc
ASB =BSC =CSA=60°, SA=2, SB=3, SC =6. Thé tich ctia khdi chép S.4BC bang
A.242. B. 3v2. C. 3\3. D. K.
Loi giai

Chon B

C

Trén canh SB, SC lan luot liy B', C’ sao cho SB'=SC'=S4=2.Suyra S.4B'C’ 1a tit dién

_2V2 82 22

déu canh bang 2. Suyra V, 0 = T = 3

VSAAB’C':ﬁ SB' SC'_%Z_Z V. 2:223\/5.
9

Mat khac: —22 P55 22 2 _
S.4BC SA SB SC 36 9 S.4BC 3

Cau 12: (THPT Lé Quy Déon-Hai Phong lan 1 nam 2017-2018) Cho kh&i chép S.ABC cé thé tich V', néu
gitr nguyén chiéu cao va ting cac canh day I1&n 3 [an thi thé tich khai chép thu duoc 13



A. 3. B. 6V . C. 9V . D. 121 .
L&i gidi

Chon C
3(a+b+c)

Goi a, b, ¢ 1an luot 12 d6 dai cac canh cia AABC. Pit p= 5

thi S, :\/3.a+§+c.3(p—a).3(p—b).3(p—c) =95 e

= Thé tich khdi chép thu duoc 1a 97 .

Cau 13: (THPT Lé Quy Don-Hai Phong lan 1 nam 2017-2018) Cho lang tru tam gidc ABC.A'B'C’ c6 déy

Cau 14:

la tam gidc ABC déu canh bing a . Hinh chiéu vudng géc ctia A’ trén mit phang (ABC) trung vai

trung diém H clacanh AB . Goc giita canh bén cla lang tru va mit phang day bang 30°. Tinh thé
tich cda khéi lang tru da cho theo «.

3 3 3 3
AL B. & . c. L. D. &
4 4 24 8
Lo gidi
Chon D

A

Taco AH 14 hinh chiéu ctia 4’4 trén (ABC) = A'AH =30° = A'H = %? = “\6/5
a3 3 &
V=AHS,, =2 2=
6T 48

(THPT Lé Quy Po6n-Quang Tri-lan 1 nam 2017-2018) Cho hinh chép S.4BCD c6 day
ABCD 14 hinh vudéng canh a. Hinh chiéu ciia S 1én mit phang day tring véi trong tim ctia
tam giac ABD. Canh SD tao v&i day mot goc 60°. Tinh thé tich ctia khdi chop S.ABCD .

a*\15 a*\15 a*\15 ’

A. . B. . C. . p. L
3 27 =9 3

Loi giai

Chon C



Ta cb: DM =~JAD* + AM? = / DHzgpMza‘f

= SH = DH .tan SDH —T tan 60° =

1 1 a\/7 a3\/g

Vs apep = ESH Ssep = 3 3 9

Cau 15: (THPT Dtec THo-Ha Tinh-lan 1 nam 2017-2018) Cho lang tru tam gidc ABC.A'B'C" ¢6 day
ABC 1a tam giac déu canh AB = 2a\/§. Biét AC' =8a va tao v&i mat day mot goc 45°. Thé tich
khi da dién ABCC'B’ bang

3 3 3 3
A.16a\/g‘ g, 8aV6 o 1643 D, 873
3 3 3 3
Loi giai

Chon A

A’ '

v

B

Ta co VABC A'B'C' VAA'B'C' + VABCC'B' = VABCCB VABC AB'C’ VA.A'B'C' .

1 A
Mat khac VA A'B'C' 3 VABCAA’B’C’ nen < VABCCB VABC AB'C’ VA.A'B’C’ = 2VA4A’B’C' :

Goi A 1a hinh chiéu cia A trén mit phing (A'B'C’) khi d6 goc giita AC' va mit phing day
(A'BC') lagoc AC'H =45°.
Xét tam giac vuong AHC' c6 AC'=8a va AC'H =45° nén AH =4av2 .

! (2a\/_) .8in 60°.4a/2 =

Thé tich khéi chop 4.A'B'C' 1AV, ,pc =§SA,B,C,.AH =

8a’ \@
3

11
372



3
Vay thé tich khéi da dién ABCC'B' 1a <V ooy =2V, pper = 16“3*6 .

Cau 16: (THPT Chuyén Thai Binh-lin 4 nim 2017-2018) Mét hinh hop chit nhat ABCD.A'B'C'D' ¢b
ba kich thuéc 1a 2cm, 3cm va 6¢m . Thé tich ctia khdi tir dién ACB'D’ bang
A. 12cm’. B. 8cm’. C. 6cm’. D. 4cm’.
Loi giai

Chon A

Thé tich khéi hop chit nhat ABCD.A'B'C'D' 1a ¥ =23.6=36(cm’).

, 1
Tacd V,ypp =Veewn =Vopse =Vepac = EV .

Nén: VACB’D’ =V- (VA‘A'B'D' + VC‘C’B’D’ + VD"DAC + VB’.BAC) =V-

Cau 17: (SGD Ha Noi-lan 11 nam 2017-2018) Cho hinh chép tir giac déu S.ABCD c6 tat ca cac canh
béng nhau. Goi £, M lan luot 1a trung diém cua cac canh BC va S4, « 1a goc tao boi duong
thang EM va mat phang (SBD). Gia trj cla tanc bang

A 2. B. \3. C.1. D. V2.

Chon D

Dung hinh binh hanh ABFC.



Ta cé EM // SF nén goc giita EM va (SBD) béng goc giita SF va (SBD).
FB/ AC = FB 1 (SBD) do d6 goc gitta SF va (SBD) bing goc FSB.

Ta c6 tan FSB = BE _ = AC =2. Vay chon D.
SB SB

Cach 2:

Toa dd hoa v6i Ox=0C, Oy =0B, Oz=0S (OA=1).Error! Not a valid link.
Ta c6 C(1;0;0), A(-1;0;0)= (SBD) nhan AC = (2;0;0) 1a mot VTPT.

S(0;0;1
Tu SA:AB:OA\E:\/E:SO:\/SAZ—OAZ:l:{ ( ) :M(—l;o;l].

A(-1;0;0) 2772
C(1;0;0
Taco ( ):E(l | OJ:EM nhan ME = (ll —lj
B(0;1;0) 272 2
La mot VTCPT
ME.AC
:>s1n(EM SBD ‘ 2 =£:>cosa:L:>tana:\/§.
ME.AC 1Y ( 1¢. 3 NG
12+(j +(—j 2
2 2
La mot VTCPT
_ |ME.AC
:sin(EM;(SBD)):‘ ‘: 2 :? :cosaz%étanazx/z.

ME.AC v [ 1)
12+(j +(—j 2
2 2

Cau 18: (SGD Ha Noi-Ian 11 nam 2017-2018) Cho khéi tru c¢6 ban kinh hinh tron day bang » va chiéu
cao bang /. Hoi néu ting chiéu cao 1én 2 lan va ting ban kinh day 1én 3 lan thi thé tich ciia
khdi try méi s& ting 1én bao nhiéu lan?

A. 18 lan. B. 6 lan. C. 36 lan. D. 12 lan
Loi giai

Chon A

V,=2hx(3r) =18(har’) =18V

Cau 19: (SGD Ha Noi-Ian 11 nam 2017-2018) Cho hinh chép S.4ABC c6 day ABC la tam giac déu
canh a, canh bén S4 vudng goc voi day, duong thang SC tao v6i day mot goc bang 60°. Thé
tich cta khoi chop S.ABC bang
AL B L. c. L 3

8 — 4 2
Loi giai



Chon B

a3
2
S4 1 (ABC) nén AC la hinh chiéu cua SC Ién (ABC).

Dién tich AUBC 13 S, =

L —

= (SC,(4BC))=(SC, AC)=5C4=60°.

ASAC vuéng tai 4 c6 SCA=60°,tacd SA= AC.tan SCA=a~/3 .

2 3
Thé tich khéi chop 12 7 = %.SMBC.SA S % = f a3 = “I.

Cau 20: (THTT s6 6-489 thang 3 nim 2018) Cho hinh ling try tam giac déu ABC.A'B'C’ c6 canh day
bang 2a, goc giira hai duong thing 4B’ va BC' bang 60°. Tinh thé tich ¥/ cua khdi ling tru

do.
3 3
A.V:z‘/f“ . B. V =23d°. C.V:z‘/f“ : D. V =26a’.
Loi giai
Chon D

_— e - e

biat 44" =x,x>0.

Taco: 4B.BC = (BB - BA)(BC + BF) = —BABC + BE”
=—BA.BC.cos60’ + BB"* = x* —2a”.

AB'= BC'=+/x* +4d* .

‘TB'B—C" 1 ‘xz —2a2‘
TR &5

AB'.BC 2 \/x2 +4a2.\/x2 +4a’
X’ +4a* =2x* —4a®

X’ +4a’ =-2x" +4a

Theo dé: cos60° =

<:>x2+4a2:2‘x2—2a2‘<:>{ 2<:>x=2a\/§.



2
Vay V = AA’.ABT‘6 =24°\/6 .

Cau 21: (THTT s6 6-489 thang 3 nim 2018) Cho hinh chép S.ABCD , ddy ABCD 1a hinh vudng canh
2a . Hai mat phing (SA4B), (SAD) cung vudng géc véi ddy, goc giita hai mét phang (SBC) va

(ABCD) bang 30°. Tinh ti s6 1 biét // 1a thé tich cta khéi chép S.ABCD .

a
A.ﬁ B.ﬁ C.\/g Q,&
12 ) 3
Loi giai

Chon D

SAB) 1 (ABCD

(545) L( ):>SAJ_(ABCD).

(S4D) L (ABCD)
Goc gilta (SBC) va (ABCD) bing goc SBA. Do d6 - = tan SBA=—= = S4 =22,

4B N N
1 1 2a 8

VS‘ABCD :ESA-SABCD :Eﬁ a’ Zmaz.

Cau 22: (THPT Nguyén Trii-Da Nang-lan 1 nim 2017-2018) Cho khéi chop S.4BCD c6 ddy ABCD
1a hinh vudéng canh a, Tam gidc SAB cén tai S va nam trong mat phiang vudng goc voi mat

3
phang day. Biét thé tich ctia khéi chép S.4ABCD la d \6/B Goc giita duong thang SC va mit
phang day (ABCD) la
A. 120°. B. 30°. C. 45°. D. 60°.
Loi giai

Chon D



Goi H 14 trung diém AB.Tacé SH L (ABCD).

_ 2
Sipep =4

1 W af1s

V==S,5,SH =SH = = .
3 D asco S 2

CH = AC? + AH® :—“‘f :

L —

(SC,(4BCD))=(SC,CH).

tanS/CFI:E:\/g.
CH

Vay (SC,(4BCD)) = 60°

Ciu 23: (THPT Nguyén Trii-Da Ning-lin 1 nim 2017-2018) Cho hinh chép tir giac déu co tit ca cac
canh bang nhau, dudng cao cia mot mit bén la a+/3 . Tinh thé tich ¥ cua khéi chop do.
3 3 3
2
“‘E. B. V=4d’\2. Q.V:4aﬁ. D.V:“‘F.
9 3 6
Loi giai

AV =

Chon C



Goi canh ctia hinh chop tir gide déu la x.

Xét tam giac vudng SCH ta cd SC> —HC® = SH”> < x° —%=3a2 < x=2a.

Chidu cao SO =~/SH? — HO* =\3d* —a* = a2 .
4a3\/§
—

Thé tich khéi chép 1a V = %.a\/i 4d’ =

Cau 24: (THPT Ding Thiic Hira-Nghé An-lan 1 nim 2017-2018) Néu ting kich thudc ctia mot khbi

hop chit nhat 1én 3 1an thi thé tich ctia n6 ting 1én bao nhiéu lan?
A. 27 lan. B. 9 lan. C. 18 lan. D. 3 lan.
Loi giai
Chon A
Goia, b, c (a>0,b>0, ¢>0)lakich thudc ban dau ciia khdi hop chir nhat.
Khi tang kich thude kich thudce 1én 3 lan ta duoc d6 dai ba canh 1a 3a, 3b, 3c.
Goi ¥ va V' lan lugt 14 kich thudc ban dau cua khdi hop chit nhat va kich thudc sau khi ting
1én 3 lan; khi d6: V' =3a.3b.3c =27abc =27V .

Ciu 25: (THPT Dang Thiic Hira-Nghé An-lan 1 nam 2017-2018) Cho hinh 1ap phuong

ABCD.A'B'C'D' ¢6 canh bang a. Goi K 14 trung diém cuia DD'. Khoang cach giita hai duong
thing CK va A'D bang

a3 a3 2a+/3

a
A. . B. . C. . D. —.
3 2 3 3

L& gidi

ChonD



A’

T D ké DH // CK (H e CC').

Khi d6 d(CK,A'D)=d(CK,(A'DH)) =d(C,(4'DH)) _ Ve |
ADH
, 1, ., a’
Taco V,cpy =§A DS, e :E,
Mé A’Dza, DH:a\/g’ A,H:a\/ﬁ_
2 2
[2aY ' 2 2
Xét tam giac A'DH c¢o cosDA'H:AD +1,4HI_DH = S —sin DA'H = 3
24DAH J34 J34
|
:SM'DHZEAD.AHZT,
W
A ' 12 _ 4
by d(C(4DH)) =55 =3
4

Cau 26: (THPT Chuyén Phan Boi Chau-lin 2 nam 2017-2018) Thé tich ctia khdi lap phuong
ABCD.A'B'C'D'" ¢6 duong chéo AC' = J6 bang
A. 33, B. 24/3. C. 2. D. 24/2.
Loi giai
Chon D
Goi a 1a canh cta hinh 1ap phuwong ABCD.A'B'C'D' .

Tacéd AC' =a3 =6 < a=+2
9 y 3
Thé tich cua khdi 1ap phuong 1a V = @’ = (JE ) =2\2.
Cau 27: (THPT Chuyén Tran Pha-Hai Phong-1an 2 nam 2017-2018) Cho hinh chép S.4BC c6 ddy ABC
la tam gidc déu canh 2a, tam gidc SAB déu va ndm trong mat phang vudng géc véi mit phang day.

Tinh khoang cach tir diém S dén méit phang (ABC).



A. ﬁ B. a\/3. C. 2a/3. D. a6 .

L& gidi

S

Goi trung diém clia 4B Ia I .Suyra SI L AB.Dodé SI L (ABC) nén SI=d(S,(A4BC)).
Theo gia thiét tam gidc SAB déunén SB= AB=2a, IB=a.
Do d6 SI =/ SB>—IB> = a3
Cau 28: (THPT Chuyén Tran Phi-Hai Phong-lan 2 nam 2017-2018) Cho khéi ldng try diing ABC.A'B'C’
c6 day la tam giac cdn ABC véi AB= AC =2x, BAC = 120°, méat phang (AB’C') tao vdi day mét
géc 30°. Tinh thé tich V' cla khai l3ng tru d3 cho.
3 3 3
A V=2 B.V=x. c.v=>% D. V=22
3 16 8
Loi giai
Chon B

Goi I la trung diém B'C’.

X

Tacd ((AB'C'),(A'B'C')) = AIA' =30°, A'I = AB.tan60° = x, AA' = A'l.tan30° =

pn

Trong AA'B'I : A'I = A'B'.cos 60° = x .Trong AAA'l : AA' = A'I.tan30°=—.

& =



2x.2x.8in120° = x* .

N | —

X
Vipe ape = \/5 .

Cau 29: (PTNK-DHQG TP HCM-I4n 1 nim 2017-2018) Cho khdi chép S.4BC, goi G 1a trong tdm

5 .y s A Ao V M
cua tam giac ABC . Ti s0 thé tich —>42< bang
S.4GC

A. 3. B.

W | =

Loi giai

Chon A

S§.4BC S

Ta co 4 = AABC—d(B;AC)_BO_ﬂ_
Vs acc B Spice - d(G;AC) "GN GL

Chii y: Ta c6 thé nhan xét nhanh G 14 trong tim AABC thi S, = %SBAC .

Cau 30: (SGD Phti Tho — I4n 1 - nam 2017 — 2018) Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh bang
1. Khodng céch tir diém 4 dén mit phing (4'BD) bing

A.Q. B.3. g.ﬁ. D. 3.
2 3
Loi giai
Chon C
< B’
D' : A'
,‘ —————————————————————— Zz==8
¢ L8




2x—1
x+1°

. 1 '
Taco V, jpp = E.SA,BD.d(A,(A BD)) y=

1 , 1
Vi asp = E'SABD A4 = g .

V2) A3
AA'BD 1a tam gidc déu canh 2 nén SA'BD:(%:g-
3l B
R , 6 3
Vay d(A4,(ABD))=—% =22,
2

Ciu 31: (THPT Tay Thuy Anh - Thai Binh —Ian 1 - nam 2017 - 2018) Cho hinh chép S.4BCD c6
day ABCD 1a hinh chit nhat, AB=a, AD =2a, canh bén S4 vudng goc vdi day va thé tich

3

khéi chop S.ABCD bang 2%. Tinh s6 do goc giita duong thang SB voéi mit phang (ABCD).

A. 30°. B. 60°. C. 45°. D. 75°.
Loi giai

Chon C

2 3
Ta cd Vy pep = %.SABCD SA = %.a.2a.SA = % —Sd=a.

SA L (ABCD) = AB 1a hinh chiéu cia SB 1én mit phang (A4BCD).
= (SB,(4BCD))=(SB,AB)=SBA.
Xét tam gidc SBA vudng tai A c6 AB=SA=a nén SBA=45°.

CAu 32: (THPT Yén Lac — Vinh Phiic — Ian 4 - nam 2017 — 2018) Khoi bat dién déu c6 bao nhiéu mit
phang d6i xtmg?
A. 6. B. 8. C.4. D. 9.
Loi giai
Chon D



Hinh bat dién 4BCDEF c6 27216 mit phang d6i ximg: 3 mat
phiang(ABCD),(BEDF),(AECF) va 6 mit phing ma mdi mit phing la trung truc cta hai

canh song song.

Cau 33: (THPT Héng Bang — Hai Phong — nam 2017 — 2018) Cho ling tru tam giac déu

ABC.A'B'C’" ¢6 canh day AB =a, canh bén AA' = af )
BC' va CA' bang
A. "‘/g. B. "‘/g. C. "‘/g. D. “‘/g.
6 24 12 3
Loi giai
Chon A
Al C
B‘,/
Yo ’
Y — ;

Gan hé truc toa do Oxyz vao trung diém O cua BC, ta dugc

B —l;O;O ; C la;O;O ; C' la;O;Qa ; A O;Qa;ﬁa
2 2 2 2 2 2

Taco A C(%a _f I j BC( :0; \/faj; @(a;O;O)

2 2
[rec]cs

d[A4'C,BC"|= ‘[Z&;Eﬁ]‘ ==

Cau 34: (THPT Hong Bang — Hai Phong — nam 2017 — 2018) Cho hinh chép tam giac déu canh day

bang a va cic mit bén déu tao v6i mat phang day mot goc bang 60°. Thé tich ciia khdi chop
bang



Goi M 1a trung diém BC.
Ta co: (W) = SMO = 60°.

1 a\/g

OM =—AM =
3 6

an60° = 22 5 SO = OM. tan 60° =@.\/§ a4
oM 6 2

V_laz 32_413\/5
374 2 24

Céu 35: Cho hinh chép S.ABC c¢6 SA vudng goc véi mit phang (A4BC). Biét SA=2a va tam gidc
ABC vudngtai 4 c6 AB=3a, AC =4a. Tinh thé tich khdi chép S.ABC theo a.
A. 124°. B. 6a’. C. 8a’. D. 4a°.

Cau 36: (THPT Chuyén Ngir — Ha Noi - Lan 1 nam 2017 - 2018) Cho hinh chop S.4ABC c6 SA vudng goc voi
mit phang (A4BC). Biét SA=2a va tam gidc ABC vudngtai 4 ¢6 AB=3a, AC =4a. Tinh
thé tich khéi chop S.4ABC theo a.
A 124°. B. 64°. C. 84 . D. 4a’.

Loi giai

Chon D



B
, 1 2. 1 1 2 3
Taco S, =5.3a.4a =6a"; Ve =§.SA.SABC =§.2a.6a =4a’.

Cau 37: (THPT Chuyén Vinh Phtc — Vinh Phuc - Lan 4 nam 2017 — 2018)Hinh hdp chi¥ nhat cé ba kich
thuwdc d6i mot khdc nhau cé bao nhiéu mat phang ddi xirng?

A. 6 mit phang. B. 3 mit phang. C. 9 mit phang. D. 4 mit phang.
Loi giai
Chon B
C D
B A
C D'
B’ A

Locooood - - - -

Vi ABCD 1a hinh chit nhat c6 hai kich thuéc khac nhau nén 4BCD c¢6 hai truc d6i xung la cac
duong trung tryc cia AB va BC.
Tuong ty ADD'A’ ¢6 hai truc d6i xtmg 1a cac dudng trung truc ctia AD va DD'.
Tir d6 suy ra hinh hop chit nhat ABCD.A'B'C'D’ véi ba kich thudc d6i mdt khac nhau c6 dung
3 mat phang d6i xtmg. D6 1a cac mat phang trung tryc ciia cic canh 4B, BC va DD'.

Cau 38: (THPT Chuyén Vinh Phiic — Vinh Phtc - Lan 4 nam 2017 — 2018)Cho kh8i ling try ding

ABC.A'B'C' ¢6 BB'=a, day ABC |3 tam giac vudng cAntai B va AC = a2 (tham khao hinh vé&
bén). Tinh thé tich V' cla khéi l&ng tru d3 cho.



A C’

4 C
B
3 3 3
AV =d. B. V=%, c.r=%, D.v=%,
6 3 2
Loi giai
Chon D
. X . o A \ AC
Do tam giac ABC la tam giac vudng cén tai B va AC=a 2. Suy ra: ABzﬁza.

: . 1 2 . . 3
Khi d6 dién tich day: S = EAB2 - % . Thé tich khéi ling tru: ¥ = BB'.S = %
Cau 39: (THPT Chuyén Vinh Phtic — Vinh Phiic - Lan 4 nam 2017 - 2018)Cho kh&i chép t gidc déu c6 canh
day bang a, canh bén gap hai lan canh day. Tinh thé tich /' cla khéi chép da cho.

3 3 3 3
A.V:*/ﬁ“ . B.V:*ﬂ“ . C.V:*/Ea . D.V:\/Ea .
6 2 2 6
Loi giai
Chon A

Dién tich day: S ,,., =a’.

a\2

Ta c6: ABCD 1a hinh vudng canh a nén AC = a2 = A0 = .

2

2
Tam gidc SOA vudng tai O nén SO =~/SA° — A0’ :\/@: a\éﬁ‘
aV14 2= Jiad?

1
372 6

Do do: V :%SO.SABCD =

Cau 40: (THPT Thuin Thanh 2 - Bic Ninh - Lin 2 nam 2017 — 2018)Cho khdi chép tam giac déu
S.ABC c6 canh day bang 4, chiéu cao ctia khdi chop bang chiéu cao clia tam giac day. Goi M
1a trung diém canh S4. Thé tich ctia khbi chop M.ABC bang?

A. 8. B.%. C. 16. D. 4.

Loi giai



Chon D

B
Ké SH L (ABC)= H latam dudng tron ngoai tiép A4BC.

Goi K = AH nBC = AK | BC.
Canh AK:%\Bz%/g:SH:AK:Z\/g

1 11
=V pe = gd(M,(ABC)).SABC = 5.ESH.

AB\3

4

4.

Cau 41: (THPT Chuyén Lwong Thé Vinh — Dong Nai — Lan 2 nam 2017 - 2018) Cho lang try tam giac
déu ABC.A'B'C’ cé canh ddy bing a. Géc giita mit phang (4'BC) va mit phang (4BC) 1a
60°. Tinh thé tich ¥ ctia khdi choép A" .BCC'B’

3 3 3 3
A.V:“‘B. B.V=3“*/§. C.V=3“*/§. Q.V:a\/g.
8 4 8 4
Loi giai
Chon D
AV :l
\ \
W38 M
NN
\| N\
\ \
\
\ AN
AR\ N\ 2 AC
M
B
Goi M la‘ltrungdiémcﬁa BC, AABC déunén AM L BC va AMz%.
(4AM L BC
Ta c6 = BC L (A44A'M) = BC L A'M .
AA' 1 BC

Ta co:



AM 1 BC; AM < (ABC)
A'M LBC;AM < (A'BC) = £((ABC);(A'BC))= £(AM; A'M )= A’MA=60°.
(ABC)n(A'BC)=BC

Taco: ad =3 tangor =32
2 2
2 2 ’ 2 3a az\/§ a3\/§
VA'ABCC'B' :E. VABCAA'B'C' = E-AA 'SABC = 5'7' 4 = 4

Cau 42: (THPT Quynh Luu 1-Nghé An - Lan 2 nam 2017 — 2018) Cho khdi chép S.4BCD c6 thé

tich bang 3. Mit bén S4B la tam gidc déu canh « thudc mit phang vudng goc vai day,
biét ddy ABCD 1a hinh binh hanh. Tinh theo a khoang cach giita S4va CD.

A. 2443, B.a. C.6a. D. a3 .
Loi giai

Chon C

Goi H la trung diém ctia 4B = SHJ_(ABCD) va SH:§.
Ké CK 1 4B
W 33,
Taco S =——=——=06a
ABCD SH a\/g
2
Mit phing (SAB) 1a mét phang chira S4 va song song CD. Do d6 d(S4,CD) = d(C,(SAB))
. [CK L AB
Ta thay =CK 1 (SAB).
CK L SH

2
Do do d(C,(S4B)) = CK =2ace % _¢,
AB a
Cau 43: (THPT Quynh Luu 1-Nghé An - Lan 2 nam 2017 — 2018) Cho hinh chép tir gidc déu c6

: 3 . 2 O ORI
canh day bang a~/2 va chiéu cao bang aT. Tang cta goc gitra mat bén va mat day bang

C.\3. D.

Loi giai

Al

AW

1
B. .
V3



Chon A

Goc gitta mit bén va mit day bing SEO; EO =

a2
2
. n . , — SO

Xét ASEO vudng tai O, ta cd tan SEO = E =1.

Cau 44: (DHOQG TPHCM - Co S6 2 — nam 2017 - 2018) Cho hinh chop S.ABCD c6 ABCD 1a hinh
vudng canh a, SA L (ABCD) va S4 = a~2 . Thé tich khéi cAu ngoai tiép hinh chép 1a:

3 3 3
AT B. XL C. 47’ p. 274
6 3 3
Loi gii
Chon D

. SAL1BC
CO:
AB 1 BC
Tuong tu CD L SD.
Khi d6 SAC = SBC = SDC =90°.
Nén SC l1a dudng kinh ciia mét cdu (S) ngoai tiép khéi chép S.4BCD.

Ban kinh cua (S) la Rz%.

}:BCJ_(SAB):BCJ_SB.

Tacd: AC=a2 nén SC=~/S4A>+ AC> =2a =>R=a.

3

. 4 4
Vay V(S) =§7TR3 =§7za .

Céu 45: (PHOG TPHCM - Co S& 2 —nam 2017 — 2018) Cho lang tru ding tam giac ABC.A'B'C" ¢6
ddy ABC la tam gidc vudng can tai B véi BA=BC=a, biét 4'B hop v6i mit phang (4BC)
mot goc 60°. Thé tich ling tru la:



A. “36. B. "3@. C. "3@. D. &’\3.
2 4 6
Loi giai
Chon A
A c’
"

B

Ta c6: (A'B,(ABC))= A'BA=60° = AA' = AB.tan60° = a3 .
1 a
S —BABC=—
ABC = 2 2
. , a3
Vay Vipcape = A4 Sype = T,

Cau 46: (DHOG TPHCM - Co S6 2 — nam 2017 — 2018) Cho hinh chop tr gidc S.ABCD , ddy ABCD la
hinh vuéng canh a, canh bén S4 vudng gbe véi mit ddy, goc gitta SC va (4BCD) bang 45°.
Thé tich khéi chop S.4ABCD 1a

3 3 3
‘“/5. B.‘“E. C. 2. Q.‘“E.
6 4 3
Loi gii
Chon D

Tacé SA L (ABCD) = (SC;(ABCD)) = SCA = 45°

1 1 a2

. S84
= 1an45° ==~ = S4=AC = aN2 =V, pep = S48 ey = 2.4 = 3

Cau 47: (THPT Tran Phti - Da Nang - Lan 2 — nam 2017 - 2018) Cho hinh 1ap phwong ABCD.A'B'C'D’
c6 duong chéo bang a~/3 . Tinh thé tich khéi chop A" ABCD.




2\/5(13

3
A. % B. . C. & D. 232a°.

Loi giai
Chon A
Goi x la canh cua hinh 14p phuong.
Duong chéo hinh 1ap phuong a3 o x\3=a3 o x=a.

lS AA’=la3.

"ABCD — ABCD*
3 3

Suyra V,

Cau 48: (THPT Chuyén DH Vinh — Lin 2 — nim 2017 — 2018) Cho khbi chop S.ABCD c¢é thé tich V.
Céac diém A', B', C' tuwong Ung la trung diém cac canh S4, SB, SC. Thé tich khéi chop

S.A'B'C’ bang

AL B. L. c.t. p. L.

- 8 4 2 16
Loi giai

Chon A

racs Vuwe S4B SC_1_ 1
s SA SB SC 8 % 8

Cau 49: (THPT Chuyén DH Vinh - Lan 2 — nam 2017 - 2018) Cho hinh lang try ding ABC.A'B'C' ¢6
day ABC latam giac vuong tai 4, AB = a3, BC=2a, duong thang AC' tao v&i mit phing
(BCC’B’) mot goc 30° (tham khao hinh v& bén). Dién tich ciia mit cau ngoai tiép hinh ling
try di cho bang

A B

A’ B’

A. 24ra’. B. 67a>. C. 4rza*. D. 37a’.
Loi giai
Chon B



\
Goi M, M’ lan luot 1a trung diém cia BC, B'C’.
D@ thay trung diém / cta MM’ 1a tim mat cau ngoai tiép lang tru.

Ké AH vuéng géc BC (H e BC) = AC'H =(AC',(BCC'B'))=30°.
Ta c6: AC=\/BC? - AB* = (2a)2—(a\/§)2 —a.

AB.AC a3.a _ a3
BC 2a 2

AH.BC = AB.AC = AH =

Trong tam giac vuong AHC', co6: AC' = .AH =
sin30°

=av3.

a3

2
1
2

Trong tam giac vudng ACC’, c6 CC' =~ AC"? — AC? :,[(a\/g)z —a* =a 2.

N2 2 2 2
Ban kinh R2=IBZ=M12+MB2=(%) +(£J :(“ﬁj +(2—“J :%az

2 2 2
2

‘A ’ «, A 6a
Dién tich mit cau: S =47zR* =4r. =67a’.

Cau 50: (SGD Nam Dinh — nam 2017 — 2018) Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng
canh a, SA L (ABCD), SC tao véi mat day mot goc bang 60°. Tinh thé tich ¥ ctia khéi chop

da cho.
5
"-.\ \\.\\
T I"-. \\
Y g
: '.\" .\\‘\\\
| I‘\"x \\‘\
VAT S
q- - \I"-. ‘-"'"-d#
E.C__. - '.f -
3 3 3 3
6 3 6 3
A.V:ag/_ B.V:“é‘/_. g.V:“;/_ D.V:a;/—



Chon C

Dién tich day: S ,,., =a’.
SA 1 (ABCD) nén goc giita SC va mt phing déy 13 SCA = 60°.
Tam gidc SAC vudng tai 4 nén S4 = AC.tan SCA = a~J2.tan 60° = a6 .

1 aS\/g
3

Vay V :§SA.SABCD =

Cau 51: (SGD Nam Dinh — nam 2017 — 2018) Cho hinh ling tru tam giac déu ABC.A'B'C’ ¢6 tit ca
cac canh bang a. Goi M, N lan luot 1 trung diém cia cac canh AB va B'C’. Mit phing
(A'MN) cét canh BC tai P. Tinh thé tich cta khdi da dién MBP.4'B'N

A \/§a3 B \/§a3 C 7\/§a3 D 7\/§a3
T 24 12 = 96 o3
Loi giai
Chon C
S

o
.
N
pe
Goi S 1a giao diém cia 4'M va BB', khi d6 P 1a giao diém SN va BC.
V. SM SB SP 1 7 7
Tach —SMBE - —— — —— =V ==V =—.
VSA/B/N SA, SB, SN 8 MBP.A'B'N 8 SA'B'N 8
1. lo b 1. a. o dB
VSA,B,NZESB.SMB,N:§SB.EAB.BNsm60 ZEZa.aEsm60 =
7 743

:}L o :—p S, =
MBP.A'B'N SA'B'N
8 96

Cau 52: (SGD Nam Dinh — niam 2017 — 2018) Cho hinh chép S.ABCD c6 ddy ABCD la tir giac 16i
va goc tao boi cac mit phang (SAB), (SBC), (SCD), (SDA) véi mat day lan lugt 1a 90°,



60°, 60°, 60°. Biét rang tam giac SAB vudng cin tai S, AB=a va chu vi t&r gidc ABCD la
9¢ . Tinh thé tich ¥ cua khdi chop S.ABCD .
3 3 3
a'V3 a'\3 24'\3 D.V=a'\3.

A V= . B. V= . C.V= .
9 4 9

Loi giai
Chon A

B

Goi [ 1a trung diém AB. Tam giac SAB vudng can tai S nén SI L AB va SI :§. Mit
khéc (SAB) L(ABCD) nén SI 1 (ABCD).

Thé tich khdi chop S.ABCD 1a V %SI.SABCD.

Ké IH 1 BC tacé goc gitra (SBC) va (ABCD) la SHI

Do cac mit (SBC), (SCD), (SDA) tao véi (ABCD) cac gbc bang nhau va bang 60° nén cac
khoang cach tir 7 dén cac canh CD, DA bang nhau va biang IH. Ta c6 SIH = 60° nén

1H = SLoot60e = V2 L _ a6,
2 36
2
S scp = l(BC+ CD+DA).HI :1(961—/13).“*/g _2a V6 _
2 2 6 3
2 3
Vay V =2 SLS _1aV22aV6 _a'V3
3 32 6 9



Cau 1: (SGD Thanh Hoéa — nam 2017 — 2018) Cho khéi ling tru ABC.A'B'C" ¢c6 thé tich bang 94° va
M 1a diém nam trén canh CC’ sao cho MC =2MC". Tinh thé tich khéi t&r dién 4B'CM theo
a.

A '

.24,

>

Chon A

Khéi lang try ABC.A'B'C' dugc chia thanh 3 khéi tr dién B'.ABC; A.A'B'C’' va AB'C'C.

. 1 3 s g Lo A TP
Trong 40 Vy oo =V, ype = gVABC e =3a (vi ching c6 cung chiéu cao va dién tich day véi

khoi lang tt\) =V, pee =Vipc wpe —2V5 480 = 3a’.

. \ 1 . VoA 1
Talaico Vypoe =V g +Vizen V& Vigen :EVAAB’CM (Vi MC =2MC" nén Sy, = ESB’CM)

, 3 2
Dodd V, pee = EVA.B’CM =V ipew = EVAB’C’C =2a’.

Cau 2: (Tap chi THTT - Thang 4 nam 2017 — 2018) Cho tt dién S.4ABC co thé tich V. Goi M, N va P
lan luot 13 trung diém cia SA, SB va SC. Thé tich khdi tr dién co day 1a tam giac MNP va
dinh 1a mot diém bat ki thudc mét phiang (A4BC) bang
AL B.L. c.l. p. L.

2 3 4 8
Loi giai
Chon D



B
Dé thay khoang cach tir dinh t&r dién cén tinh thé tich dén mit phang (MNP) ciing bang
khoang c4ch tir dinh S dén mit phang (MNP).

Ta cé: —VS‘MNP :S_M S_N S_P— 1 4

— =— nén V. =—.
Ve e SA SB'SC 8 SHNE g

Ciu 3: (THPT Chuyén Nguyén Quang Diéu — Pong Thap — Lan 5 nam 2017 - 2018) Cho hinh chép
S.ABCD c6 day ABCD 1la hinh binh hanh va 4AB=2A4AC=2a, BC = a\3. Tam giac SAD

vudng céan tai S, hai mit phang (SAD) va (ABCD) vudng goc nhau. Tinh ti s6 K3 biét ¥ 1a
a
thé tich khdi chop S.ABCD .

A.l. B.ﬁ. C.2. Q.l.
4 2 2
Loi giai
Chon D

~

L \/ﬁ

-

Goi H latrung diém 4D = SH 1 AD.
Ta co (SAD) 1 (ABCD), (SAD)m(ABCD) =4D, SH 1 AD = SH | (ABCD) .

Tacé AB* = AC> +CB> = AACB vudngtai C = S ,0p =25 0 = >3 .

AH:“;B, SH = SA* — AH> =§.

A 1 1 a3 2
Vay VS.ABCD ZESH'SABCD :g- ) .azﬁ:}?zg‘
Cau 4: (THPT Chuyén Théi Binh - Thai Binh — Lan 5 nam 2017 - 2018) Thé tich cta khéi tir dién déu
canh g la



Goi ttr dién déu canh a 1a ABCD.
Goi G 1a trong tdm cua tam giac ABC.
Taco: AG L (ABC).

2
Xét AABG vudngtai G, tacod: AG =+ AB* —BG’ = az—[g ﬁ} _av6.

372 3
2 3
Thé tich ciia khéi tr dién déu 1a: ¥ :%.SBCD.AG :%.a . 3 .“f = alf.

Chu 5: (THPT Chuyén Hung Vwong — Gia Lai — Lan 2 nam 2017 - 2018) Cho hinh chép S.4BCD
c6 ddy ABCD 1a hinh vuong canh bang a, S4 vudng goc véi day. Biét SC tao véi mat phang
(ABCD) mot goc 45°. Tinh Thé tich ¥ cua khdi cau ngoai tiép hinh chép S.ABCD .

A.Vz%ncf. B.Vz%ncf. C.Vz%naS. D.V=mna.

Loi giai

Chon A

Goc gitta SC va (ABCD) la goc SCA bing 45° nén tam gide SAC vudng cin tai 4 nén
SC=2a.
Tacod CB L (SAB) = CB L SB = ASBC vubng tai B.

CD L (SAD) = CD L SD = ASCD vuéng tai D.



= TAm mit cau ngoai tiép hinh chép S.4BCD la trung diém SC, ban kinh R = % =a.

Thé tich khdi cau ngoai tiép hinh chop S.ABCD 1a V = gnas.

Cau 6: (THPT Chuyén Hung Vwong — Gia Lai — Lan 2 nam 2017 — 2018) Cho khéi chép S.4BCD
c6 thé tich bang 1 va ddy ABCD 1a hinh binh hanh. Trén canh SC liy diém E sao cho
SE =2EC. Tinh thé tich V' cuia khéi tir dién SEBD .
A V=1 B.V =1 cr-L D.yv=2.
3 6 12 3

Loi giai

Ta og Vosn _ SESBSD _SE _,

1 1
Vs 80 = EVSAABCD = g .

2
- = V =
VSCBD SC.SB.SD SC S.EBD 3 S.CBD

w | N
N | —

Céu 7: (THPT Chuyén Lwong Thé Vinh - Ha Ngi — Lan 2 nam 2017 — 2018) Cho hinh chép
S.ABC cb day tam giac déu canh bang a, canh bén S4 bang 2a va vudng goc voi day. Thé
tich ¥ cua khdi chop S.4BC 1a
N By 93 c.y-aV3 Dy LV3

6 9 2 12
Loi giai

Chon A

AB\3 a3
4

4

3
nén hinh chop c6 thé tich ¥ = %SA.SABC - % .
Cau 8: (THPT Chuyén Lwong Thé Vinh - Ha Noi — Lin 2 nam 2017 - 2018) Pa giac 16i 10 canh c6 bao
nhiéu duong chéo?
A. 35, B. 10. C. 45. D. 20.
Loi giai

Dién tich mat day: S,,. =

Chon A

Mdi dudng chéo duge tao nén tir hai dinh bat ky trong 10 dinh ctia da giac (khong ké cac canh
cua da giac).

S6 duong chéo 1a: €}, —10=35.



Cau 9: (THPT Chuyén Lwrong Thé Vinh - Ha Noi — Lin 2 nam 2017 — 2018) Cho tr dién déu ABCD
canh 3a . Khoang cach gitra hai canh 4B,CD la

A. 3“‘6. B. 3¢ C.a. D. 3"‘/5.
2 2 2
Loi giai
Chon D

Goi O la trong tim A4BC = DO L (ABC).
Goi M, H lan luot 1a trung diém cta 4B, CD.

Ta co }:ABJ_(DCM):ABLMH.

Vi AMDC can tai M = MH L CD.
Do d6 d (AB,CD)=MH .

2 2
Xét AMHC vuong tai H, MH =\ MC?* - HC? :\/[3a\/§J _(3_‘1] — 3\/5‘1 )

2 2 2

Cau 10: (SGD Ha Tinh - Lan 2 nam 2017 — 2018) Cho hinh chop tir gidc S.ABCD c6 day ABCD la
hinh chit nhat v6i AB=a, AD=2a, canh bén SA vudng gbc voi mit phiang day, goc giira
canh SD va mit phang day 1a 60°. Thé tich V' ctia khdi chop S.ABCD la:

3 3 3
Av=2L B. V=443 . cr=2. D. V=3
3 V3

NG
Hwéng din giai

Chon D



Dién tich day: S, = AB.AD =2a’.
Tam gidc SAD vudng tai A nén SA= AD.tan 60° = 2a+3.

Thé tich khéi chép S.ABCD 1a: V =L 545, =L 2ay3.24" = da”
3 3 3
Cau 11: (THPT Nghen — Ha Tinh — Lan 2 nam 2017 - 2018) Khéi ldng tru ABC.A'B'C" c6 thé tich bang 6.
M3t phang (A'BC') chia khéi lang tru thanh mét khéi chép tam gidc va mét khdi chop ti gidc cé thé
tich [an luot la:
A.2 va 4. B. 3 va 3. C.4va?2. D.1vas.
Loi giai
Chgn A

Goi &, S, ,pc lan luot 1a duong cao va dién tich ddy ctia lang tru. Khi d6 thé tich cua ling try
laV=S8,,,.h=6.

Thé tich cta khéi chép tam gide B.A'B'C' 1a V, =§SM,B,C, h =%.6 =2. Do d6 thé tich khéi

choptargiacconlaila V, =V -V, =4.
Cau 12: (THPT Ngheén — Ha Tinh — Lan 2 nam 2017 — 2018) Cho khéi chép S.ABC c6 ddy ABC 1a tam giéc
déu canh a va SA L (ABC), canh bén SC hop véi ddy géc 45°. Thé tich khdi chép S.ABC tinh

theo a la:

3 3 3
A.V:“‘E. B.v=%. g.V:“‘B. D.v=2.
12 6 12 3

w




Loi giai

Chon C

B
Taco S4 L (ABC) = (SC,(4BC))=SCA = 45°.
SA=ACtan45°=a.

Thé tich khdi chop S.4BC tinh theo a 13 V =%SA.SABC = %.a.%.a.a.? ai\z/g .

Cau 13: (THPT Nghen - Ha Tinh - Lan 2 nam 2017 - 2018) Cho lang tru ding ABC.A'B'C" vdi déy
ABC la tam giac vudng tai B, AB=a, BC =2a, gbc giita dudng thang 4A'B va (ABC) la
60°. Goi G la trong tdm tam gidc ACC’. Thé tich cla khéi t& dién GABA' la:

3 3 3 3
A.“‘/g. B.zaﬁ. g.zaﬁ. D.“‘B.
9 3 9 6
Loi giai
Chon C

Ta cd AB 1a hinh chiéu ciia A'B 1én mit phang (ABC).
= (A'B,(ABC)) =(A'B,AB) = ABA = 60°.
— AA' = AB.tan 60° = a/3 .

1 azx/g

Nhu vay: S,,, = E.AB.AA' =




Mat khac, ta co:
* GA’=2.CA’.
3
BC 1 AB
*JBCLAA' = BC L(A4BA').
ABNAA' = A
2 2 4a

Suyra d(G,(ABA'")) :gd(C,(ABA’)) =3 BC=~

_1d’3 4a 243

3 2 3 9

1
=3 Sumed (G.(4B4))

VGA BA'

CAu 14: (THPT Ngheén — Ha Tinh - Lan 2 nam 2017 — 2018) Lang tru dimg ABC.A'B'C' c6 day
ABC 1a tam gidc vudng tai B. Biét AB=a,BC=2a,AA'=2a\/§. Thé tich khéi lang tru

ABC.A'B'C' 1a:
3 3
AV =2a°3. B.V:af. C.V:203\/§. D. V =4a’\f3.
Loi gidi.
Chon A
A’ C’

o

B

Taco: AA' L(ABC) =V e e =AA'S e =AA'.%.AB.BC = 2aﬁ%.a.2a =24’ /3.

Cau 15: (THPT Chu Van An - Ha Noi - nam 2017-2018) Mgt nguoi thg thi cong 1am moé hinh dén
léng bat dién déu, mdi canh cua bat dién d6 duge 1am tir cac que tre c6 do dai 8 cm . Hoi nguoi
d6 can bao nhiéu mét que tre dé lam 100 cai dén (gid sir moi noi giita cic que tre ¢é do dai
khong déng ké)?

A. 96 m. B. 960 m. C.192 m. D. 128 m.
Loi giai
Chon A



Hinh bat dién déu Ia hinh ¢6 12 canh. Mdi canh c¢6 d6 dai 8 ¢m .
Suy ra s6 que tre dé 1am dugc mot cai dén hinh bat dién déu 1a: 8.12 =96 cm .
Pé lam 100 cai dén nhu vay can s mét tre 1a: 96.100 = 9600 cm =96 m .

Cau 16: (THPT Chuyén V6 Nguyén Giap - Quang Binh - niam 2017-2018) Cho hinh chép déu

S.ABCD véi O la tam ciia day. Khoang cach tir O dén mat bén bang 1 va goc giira mit bén
v6i day bang 45°. Thé tich cta khéi chép S.ABCD bang

A.V:#. E.V:&. C.Vz#.

3 D. 7V =23.

Huéng din giai
Chon B

. \ .2 .., |€D Lol
Goi I 1a trung diém CD. Khi d6 o = CD L (S0I) = (SCD)L(S0I).
Ké OH L SI tai H. Suyra OH =1 va SIO = 45°.
Tam gidc SOI vudng can tai O, c6 SO =0l _ 5L :M:\/E_
N

. 1 )
Vay Vs isco 25(2\/5) \/_ZT

Ciu 17: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Cho hinh chop S.4BCD c6 day la

hinh vuéng canh @, S4 1 (ABCD), canh bén SC tao v6i mat day goc 45°. Tinh thé tich ¥
ctia khdi chop S.4BCD theo a.

3 3 3
A V=a2. B.V:“f. g.V:“f. D.V:“f.

Huéng din giai

Chon C



Ta cé: goc gilta dudng thang SC va (4BCD) 1a goc SCA = 45°
= SA=AC =av2.

A 1 a’~\2
Vay Vs isen :g'az'a\/_ = 3

Ciu 18: (Chuyén Lé Hong Phong — Nam Dinh - nam 2017-2018) Cho hinh chop S.ABCD c6 day la

hinh thang vuéng tai 4 va B. Hinh chiéu vudng goc ciia S trén mit day (ABCD) trung voi
trung diém AB. Biét AB=1,BC =2, BD =+/10. Géc gilta hai mit phang (SBD) va mat
phang day 1a 60°. Tinh thé tich I/ ctia khdi chop S.BCD.

Huéng din giai

Chon C

Goi [ latrung diém cua 4B, G la
ké tir 4 xubng BD,

BG . Khi do

chan duong cao
H 1a trung diém

IH L BD= BD L (SHI). Vay goc giita mit phing (SBD) va mt phing ddy 1a goc SHI .
Tacdé AD=+BD* - AB* =3 .
1 1 1 3410 3410 330

= >=>AG=——=IH=—— = 8] =[H.tan60° =
AG® AB° AD 10 20 20

1 1 J30

S e = %d (D,BC).BC=—ABBC =1.Vay Ve =2 SIS ypep ==~




Cau 19: (THPT Dang Thac Hira — Nghe An - nam 2017-2018) Cho hinh chép t&r giac S.ABCD c6 day
ABCD 14 hinh vudng canh a, canh bén SA vudng goc voi day, SC tao voi ddy mot goc 60°. Thé
tich khdi chép S.ABCD bang

a*\6 a3 a*\6 a3

A. . B. . C. . D. .
- 3 6 6 3

Loi giai

Ta ¢6 gbc gitta SC voi mat day 1a SCA=60° nén SA = AC.tan 60° = a/6 .
3
Vay thé tich V; 0, = %SA.SABCD = # .
Cau 20: V6i mot tAm bia hinh vudng, ngudi ta cat bo & mdi goc tim bia mot hinh vudng c6 canh 12(cm)
r0i gap lai thanh mot hinh hop chit nhat khong c6 nép (hinh vé). Gia st thé tich cta cai hop do
la 4800(cm3) thi canh cua tim bia ban dau c6 d6 dai 1a bao nhiéu?

M

A. 36(cm). B. 42(cm). C. 38(cm). D. 44(cm).

Cau 21: Hinh chop S.ABCD c6 day hinh vudng, S4 vuong goc voi day va SA = a3 , AC = a~J2 . Khi
d6 thé tich khéi chop S.ABCD 1a
3 3 3 3
NEAEY B V2 ALY p, V3.
3 2 - 3 2

Cau 22: V6i mot tim bia hinh vudng, ngudi ta cit bo & mdi goc tim bia mot hinh vudng ¢ canh 12(cm)
r0i gap lai thanh mot hinh hop chit nhat khong c6 nép (hinh v&). Gia st thé tich cta cai hop do
la 4800(cm’) thi canh ciia tim bia ban dau c6 d¢ dai 1a bao nhiéu?



M

A. 36(cm). B. 42(cm). C. 38(cm). D. 44(cm).
Loi giai
Chon D
Goi x 13 do dai cua tim bia ban dAu (x > 24). Khi d6 thé tich ctia cai hop 1a ¥ =12(x—24)",
Yz 2 x—24=20 x=44
Theo gia thiét ta co 12(x—24)" =4800 < & :
x—24=-20 x=4(l)
Viy x=44.

Cau 23: Hinh chop S.ABCD c6 day hinh vudng, S4 vuong goc voi day va SA = a3 , AC = a2 . Khi
d6 thé tich khéi chop S.4BCD 1a

3 3 3 3
A.“\E. B.“\E. g.a\g. D.“\ﬁ.
3 2 3 2
Loi gidi
Chon C

Ta cd ABCD la hinh vuéng c6 AC = a2 suyra AB=a.
1 1 a3
—

Vs asco ZSSA-SABCD =—a\3.a’ =

3
Cau 24: Goi V' 1a thé tich ctia khdi hop ABCD.A'B'C'D' va V' 1a thé tich cta khéi da dién 4".ABC'D'.

!

Tinh ti s6 K.
|4

VS gV _2 a

. cZ-1 p. L
vV | Vo3 V

I

CAu 25: Nghiém cua phuong trinh log10'** =250 thudc khoang nao sau day?

A.(0;2). E.(2;+oo). C.(—oo;—2) . D.(—Z;O).



Cau 26: Cho hinh lang try tam gidc déu ABC.A'B'C’ ¢6 canh day bang a . Géc giita duong thing A'B va
mit phing (ABC) bang 45°. Tinh thé tich cta khdi lang tru ABC.A'B'C’.
3 3 3 3
AR B, O3 c. a3 D43
24 - 4 6 12

Cau 27: Goi V' 1a thé tich cta khdi hop ABCD.A'B'C'D' va V' 1a thé tich ciia khdi da dién A ABC'D'.

!

Tinh ti s6 K.
4

L] BV 2 oV bV
V5 V7 V V

1
3

Loi giai

Chon C

R "
Vay 2 = 3
Cau 28: Nghiém ctia phuwong trinh log10'** =250 thudc khoang nao sau day?
A.(0;2). B.(2;+0). C.(—0;-2) . D.(-2;0).
Loi gidi
Chon B

Ta c6 log10' =250 < 100x1og10 =250 <> 100x = 250 < x =% = ng.

Cau 29: Cho hinh lang try tam giac déu ABC.A'B'C’ ¢6 canh day bang a . Goc giita dudng thing 4'B va
mit phang (4BC) bang 45°. Tinh thé tich ctia khéi lang tru 4BC.A'B'C’.
3 3 3 3
A CV3 B, O3 c. a3 p. 43
24 - 4 6 12

Loi giai

Chon B



C’ A

BJ’

Theo gia thiét, ta c6 44" L (ABC) = BA 1a hinh chiéu vudng goc ciia A'B trén (ABC)
= Goc giita duong thing 4'B va mit phing (4BC) 1a ABA' = 45°
Do A4ABA' vudng cantai A= AA'= AB=a
3
Vay thé tich cia khéi lang tru ABC.A'B'C' la V=2 f .

Cau 30: Cho hinh chop S.ABCD c6 ddy ABCD la hinh chir nhat, canh bén S4 vudng goc voi day
(ABCD). Biét AB=a, BC =2a va SC =3a . Tinh thé tich khdi chép S.4BCD .

A. 24a°. B. a’. C. ia3. D. ﬁcf.
3 3
Cau 31: Cho hinh chop S.ABCD c6 ddy ABCD la hinh chir nhat, canh bén S4 vudng goc véi day
(ABCD).Biét AB=a, BC =2a va SC =3a. Tinh thé tich khéi chép S.4BCD .
A. 24’ B. a’. C.—a’. D. ¥a3.

Chon C

B C
Tacd AB=a, BC=2a suyra AC=av5.
Ma tam gidc SAC vudng tai 4 suy ra SA=~/SC>—AC* =2a.

Vay Vs oep = %SA.SABCD = %.2a.a.2a = gcf .

Cau 32: Cho hinh chép tir giac déu S.4BCD c6 canh ddy bang a, canh bén hop véi day mot goc 60°.
Thé tich V' ctia khdi chop S.4BCD bang



Cau 33: Cho hinh chép tir giac déu S.ABCD c6 canh day bang a, canh bén hop véi day mot goc 60°.
Thé tich V' cta khéi chép S.4BCD bang
NG o3 N

4 V= V:“S‘g
A. 2 B. 3 C. 6 . D. 3

Chon C

Goi O=ACNBD thi SO 1L (4ABCD).
Ta c6 goc gitra canh bén va mat day la goc SDO =60
Ma ABCD 1a hinh vudng nén BD = ABN2 =a 2.

Tam giac SBD déunén SO = BD.? = %.

. 1 1 a«/g a3\/8
Vay Vs iscp :E‘SO‘SABCD :g- ) a’ = 6
Cau 34: Cho hinh lang try tam gidc déu ABC.4'B'C’ c¢6 canh day bang a, goc giita mit phang (A'BC)
va mit phang (ABC) bang 45°. Thé tich cua khdi lang try ABC.A'B'C’ bing
3 3 3 3
A.‘“/g. B. 2%, C.‘“/g. D.‘“/g.
2 8 8 4
Céu 35: Cho hinh lang try tam gidc déu ABC.4'B'C’ c6 canh ddy bang a, goc gita mét phang (4'BC)
va mit phang (4BC) bang 45°. Thé tich cua khdi lang try ABC.4'B'C’ bing
3 3 3 3
a3 B. 2% c. a3 p, V3.
2 - 8 8 4
Loi gidi

A.

Chon B



Goi M 1a trung diém BC = AM 1 BC = BC 1 (AMA') = BC L MA'
Ta c6 (ABC)N(A'BC)=BC, AM L BC, BC L MA'

= ((4BC),(4'BC)| =AM, AM ) = AMA = 45° = AM = A4’ = “23 .
a3 az\/g _E
2 4 8
Cau 36: Cho hinh lang tru ding ABC.A'B'C' ¢6 day ABC la tam giac vudng can tai 4, AB=a va
AA' = aJ3 . Thé tich khéi lang tru ABC.A'B'C’ bing
3 3 3
A. 3“2‘/5. B. 3¢°\3 . C. "f. D. "f.

Céu 37: Cho hinh lang try ding ABC.A'B'C" c6 day ABC la tam giac vudng can tai 4, AB=a va
AA' = aJ3 . Thé tich khéi lang tru ABC.A'B'C’ bing

3 3 3
3a'V3 B. 34’3 . Caﬁ a'\3

A. . : . D. .
2 = 2 6
Loi giai

Thé tich khéi lang try V = A4'.S . =

Chon C



A C’

3
Thé tich khdi ling tru 13 Ve pe = S o AA' =~ AB* AL =& 3

Cau 38: Cho hinh chop S.4ABCD c6 dady ABCD 1a hinh chit nhat, AB=a, BC =2a, dudng théng SA
vudng goc véi mit phang (ABCD) va SA=3a. Thé tich ctia khéi chép S.ABCD bing

A. 24’ . B. 3a°. C. 6a’. D. & .

Cau 39: Cho hinh lang try dung ABC.A'B'C'c6 day ABC la tam giac vudng can tai B, AB=a, goc
gitta duong thang 4'C va miat phang (ABC ) bang 30°. Thé tich cta khéi ling tru
ABC.A'B'C'bang:

3 3 3 3
A OYE g, 206 c. a6 p, €Y
18 3 2 6

Céu 40: Cho hinh chép S.4BCD c6 day ABCD la hinh chir nhat, AB=a, BC =2a, dudng thing SA4
vudng goc v6i mit phang (ABCD) va SA =3a . Thé tich cta khéi chop S.ABCD bang
A. 2a’. B. 3a’. C. 6a’.

Loi giai

D. a’.

Chon A

-
Ap dung cong thirc tinh thé tich khdi chép ta co V 0 = l.a.2a.3a =2a’.
Céu 41: Cho hinh lang try ding ABC.A'B'C'c6 day ABC la tam giac vuong can tai B, AB=a, goc

gitta dudng thing A'C va mit phing (ABC) bang 30°. Thé tich cua khéi ling tru
ABC.A'B'C'bang:



a3\/g 2a3\/€ a3\/g a3\/€

B.

Loi giai

Tacé (A'C,(ABC))=A'CA=30" = A'A= AC.tan30° = aﬁ.g

1 \/g a3\/€

J6
a—-.
3

Vay Vg wper = Spe-A'4 :Eaz'aT: 6
Cau 42: Cho tor dién OABC c6 OA, OB, OC d6i mdt vudng géc véi nhau va O4d=a, OB=2a,
OC =3qa. Thé tich cua khdi tir dién OABC bang

3 3
A.sz%. B.V:%. C.V=2d D.V=d.

Cau 43: Cho tr dién OABC c6 04, OB, OC d6i mdt vudng géc véi nhau va O4d=a, OB=2a,
OC =3qa. Thé tich cua khdi tr dién OABC bang
2a3 3

A= B.V:%. C.V=2d. D.V=d.

Loi giai
Chon D
1 1 1

Taco: Ve =504y =5 04.-0BOC =a'.

Céu 44: Cho hinh lang try tam gidc déu ABC.A'B'C’' ¢6 AB=a, goc gitta AC' va (ABC) bang 60°.
Tinh thé tich ¥ ctia khdi tru ndi tiép hinh ling tru ABC.4'B'C’.

_ ma’\3 _ ma’\3 ma’\3

3
B.V C.V= . D.V:”“‘B.

AV . . .
108 12 36 72

Cau 45: Cho hinh ling tru tam giac déu ABC.A'B'C' ¢6 AB=a, goc giita AC' va (ABC) bang 60°.
Tinh thé tich ¥ ctia khdi tru ndi tiép hinh ling tru ABC.4'B'C’.
3 3 3 3
:”“ﬁ. E.Vz”“ﬁ. C.V:”“ﬁ. D.V:”"ﬁ.
108 12 36 72
Loi giai

AV

Chon B



A C’

Goi r, h lan lugt 1a ban kinh day va chiéu cao ciia khdi tru ndi tiép hinh lang tru 4BC.4'B'C'.
Ta c6: (AC',(ABC))=C'AC =60°.

h=CC' = AC.tan 60° = a/3 r:l."‘/gz‘“/g.
372 6
2
3
Vay: VZEFZhZH(a63J a\/§=7mlz\/§.

Cau 46: Cho hinh lang try dimng ABC.A'B'C" c6 day ABC la tam giac vudngtai 4. AC=a,
ACB =60°. Puong thing BC'tao v6i mit phiang (ACC’A') mot goc 30°. Thé tich cua khéi
lang try ABC.A'B'C’ bang
3 3
A3, B.a*\6. C.“f. D.a;/g.

Cau 47: Thé tich cta khéi 1ap phwong ABCD.A'B'C'D’ véi AD' =3a.

A a’. B. 3\3.¢°. C.2\2.4°. D. 2—7a3.
22
Cau 48: Cho hinh hop ABCD.A'B'C'D' . Ti sb thé tich ciia khoi ttr dién ACB'D’ va khéi hop
ABCD.A'B'C'D' .
A2 B. L. c.l D. L
3 6 =3 2

Céu 49: Cho hinh lang tru dtng ABC.A'B'C’ ¢6 day ABC la tam giac vuongtai 4. AC=a,
ACB = 60°. Pudng thing BC' tao voi mat phing (ACC'4") mdt goc 30°. Thé tich cua khdi
lang try ABC.A'B'C’ bang
A3, E.(f\/g. C.

Loi giai

o3 G
- £,

Chon B



AB 1 AC . , ' roA
Ta co J_AA,:>ABJ_(AA'C’C) tai 4, ma BC'N(A44'C'C)=C" nén

(BC(ATCC)) = (BC.AC") - 4B - 30°.
Ta c6: AB = AC.tan 60° = a3 ; AC' =cot30°.4B =3a .

Suyra CC' =\ AC” — AC* =2a+2 .

Thé tich lang tru 1a ¥ = 2a\/§.%.a.a\/§ =a’ /6.

Cau 50: Thé tich cta khéi 1ap phwong ABCD.A'B'C'D’ v6i AD' =3a.

A a. B. 3\3.4%. C.2\2.4°. D. 2—7a3.
242
Loi gidi
Chon D
A’ D’
B c /
3({/,‘ g
A D
B"’ C
Vi AADD' vudng tai D nén (AD') = AD*+(DD')’ < 24D*=94* < AD= 3“2‘/5 :
2742

Vi ABCD.A'B'C'D’ 1a khéi lap phuong nén V. wen = AD’ 7

Cau 51: Cho hinh hop ABCD.A'B'C'D' . Ti s6 thé tich cta khdi tir dién ACB'D’ va khdi hop ABCD.A'B'C'D’ .

A. % B C D.

N | —

l
"3
Loi giai

1
L

Chon C



A' Dl

. vy
. -
L
---T 4
-~ 1 4
Bl» : A4 C
\ 4
\ 1 L7
\\ : //
\ | p:
\\ | //
\ /
\ //
N
T D
B C
Cach 1: Taco ACB'D' 1a ti dién loai 2 dugc tach tir hinh 14p phuong nén
1
Viewp = E Vasep.awen -
Vo 1

Vay —2&£2 = —
Visepawen 3
Ciach 2: Ta c6 Visco awen = AB.AD.AA' ,
11 2

Vs =Viscoanen —4 Ve pe = AB.AD.AA"— 4.§.E.AB.BC.BB' = AB.AD.AA' —E.AB.AD.AA’
= lAB.AD.AA’
3 .
1 AB.AD.AA'
Vi _ _ l
Suy ra = =

Visep.ascn AB.AD.AA' 3

Cau 52: Cho khdi lang tru ABC.A'B'C" ¢ thé tich 1a V. Goi M 1a diém tuy ¥ trén canh A4’ . Thé tich
ctia khdi da dién M.BCC'B' tinh theo V' 1a
AT B. L. c.”.
3 6 3
Cau 53: Cho hinh chop S.ABC c6 ddy ABC la tam giac vudng tai B, AB=3, BC =4, duong thang
SA vudng goc véi mit phing (ABC), SA=4.Goi AM , AN lan luot la chiéu cao ciia cic tam
gidc SAB, SAC . Thé tich khdi t dién AMNC la
A B B. /% c. 3% p. 2°
= 41 41 41 41
Cau 54: Cho khdi lang tru ABC.A'B'C’ ¢ thé tich 1a V. Goi M 1a diém tuy y trén canh A4’ . Thé tich
ctia khbi da dién M.BCC'B' tinh theo V' 1a
A d d . g

. L.
2

B. —. .= D
- 3 6 3

Huéng din giai
Chon A



Do A'M//(BB'C'C) nén

1 ’ [ ’ 1 ’ ’
Visgee = g-d (A ’(BB C C))‘SBB’C'C = E'd (M’(BB C C))'SBB'C’C =V sccw -

X 1 A 1 \ 2
Dé thay V, j5c = 3 VvaV,pwee =V =V = 3 V.
A 2
Vay Vi scew =Vispee = EV .

Cau 55: Cho hinh chop S.ABC c6 ddy ABC la tam giac vudng tai B, AB=3, BC =4, duong thang
SAvuong goc voi mét phéng (ABC ), SA=4.Goi AM , AN lan luot 1a chiéu cao cta cac tam
giac SAB, SAC . Thé tich khéi tr dién AMNC 1a
A2 B. o8 c. 22 p. 26
— 41 41 41 41

Huéng din giai

Chon A

Cach 1:

1

V. g.SA.AB.BC =8.

S.ABC —

SM_SM SNY, _(SA_Sa S4£), 128
SB  SB 'SC ) ¢ | SB*> SB* SC*) "¢ a1’

Visve =Vs.ame = Vs.aun :(



Cach 2: Ta co:

] ] 1 AM=12 1:1+1:>AN20\/_

= + =
AM?* SA* AB? 57 AN?* SA*>  AC?

2 [
AB* — AM?* = |3 - (?j = MC =+ MB* +BC* = +4% = V43l

2
NC =+ AC* — AN?* = 52—(2()@} 225\/5_

41 41

= SC L (AMN)= MN L SC.

. | SC LAN
Ta cé:
SC 1L AM

41 1025

2541 Jz _ [4096

V481 ’
Suy ra: AMNC vudng tai N = MN =+ MC*> - NC* =\/{ 5 ] —(

s, <L mncs] [4096 2541 _160
2 2V1025° 41 41

= AM 1 (SBC)= AM L(MNC).

Voimwe = =S e —_—=

A.MNC 3 MNC 1 5 41
Cau 56: Cho hinh chép S.ABCD c6 day 1a hinh thoi tim O, canh day bang 2a. Biét SO vudng goc voi
day, goc ABC =60° va khoang cach tir O dén mit phang (SBC ) bang %. Tinh thé tich khoi

chop S.ABCD .

a3\/§ 24° B a3\/§
5 .

B. V=2a". C.T=—. D. V=

AV =
3 2

Cau 57: Cho hinh chép S.4BCD véi déy 1a hinh chit nhat c6 AB=a, BC=a2, SAL (ABCD) va
SA=a~[3.Goi M 1a trung diém SD va (P) 1a mit phing di qua B, M sao cho (P) cat mat
phiang (SAC) theo mdt dudng thang vudng goéc véi BM . Khoang cach tir diém S dén (P)
bang

A 262\/5 B a\/z C aﬁ 4(1\/5.

. . . . . D.
3 9 3 9

Cau 58: Cho hinh chép S.ABCD c6 day 1a hinh thoi tim O, canh day bang 2a. Biét SO vudng goc voi
day, goc ABC =60° va khoang cach tir O dén mit phang (SBC ) bang %. Tinh thé tich khoi

chop S.ABCD .
3 3 3
A.V:“\/g. B. V=24, c.r=2% Q.V:“‘/E.
9 3 2
Loi giai

Chon C



Ta c6 thé tich khéi chop 1a ¥ = % SO.S s

-

e e e e ———————

~-
-~
=2

-~
- -
- -

- -
_____
- -
-~

Vi ABC = 60° nén tam gidc ABC la tam giac déu canh 2q.
S pep =28 5o = BABC.sin60° = 2a>/3 .
Ké OM 1 BC taco (SOM ) L(SBC) va (SOM ) (SBC)=SM .Ké

OI L SM = OI L (SBC). Do d6 01:%.
Taco OM =d(4,BC) Ly, B3 a3
2 2772 2
Trong tam giac vuong SOM ta co 12 = 12 + ! > < SO0 = oMor __ a\/g.
or- So° oM JoMm? —or 4
3
Thé tich khéi chép ¥ =%SO.SABCD :%_0\4/5 PN ;/5 .

Cau 59: Cho hinh chép S.4BCD véi déy 1a hinh chit nhat c6 AB=a, BC=a2, SAL (ABCD) va
SA=a/3.Goi M la trung diém SD va (P) 1a mit phang di qua B, M sao cho (P) cét mit
phiang (SAC) theo mdt dudng thing vudng goéc véi BM . Khoang cach tir diem S dén (P)
béng

A. 2af. B. “*9/5. C. a*f. D. 40’9*5

Loi giai

Chgn A



D@ thay:
2(BD*+5B*)-SD* 942
4 4

D BD=AC=a\3; SB=2a; SD=aJ5 = BM* =

1 _03\/6

° Vs ascp :g‘SABCD'SA = 3

_BABC _aV2 _ AH 2

Ké BH | AC thi BH.AC = BABC = BH el
AC NE) A0 3

= H la trong tdm tam gidc ABD
Goi G la trong tm tam giac SBD thi GH //SA va NP// AC vi BM 1 NP
Ta co:

- SG_2 va S_N:S_P:Z; NP:gAC: 2‘7\/5.
SO 3 S4 SC 3 3 3

- Vs.sne :i va Vsame :E_
VSABAC 9 VSADAC 9

1
= Vs v = g Vs asco -

Mait khéac: Vs poup = %SBNMP_d(S,(P)) = d(S,(P)) - 3V e ‘

SBNMP

2
Ma Sy, :%BM.NP = S :% — d(5.(P))= Wy 2aV2

A BNMP 3

Cau 60: Cho hinh chop S.ABCD c6 day 1a hinh vudng canh 2a. Biét cac mit bén cta hinh chép cung

3

tao v4i dy cac goc bang nhau va thé tich ciia khdi chop bang V3a . Tinh khoang cach gitra

S4 va CD.

A. +f5a. B. V2a. C.3a. D. 3v/2a.

Cau 61: Cho hinh chop S.ABCD c6 day la hinh vudng canh 24 . Biét cic mit bén cua hinh chép cing

3

tao voi day cac goc bang nhau va thé tich ciia khbi chop bang 43a . Tinh khoang cach gitra

SA va CD.

A. 5a. B. V2a. C. V3a. D. 3\/2a.

Loi giai
Chon C



Do cac mit bén tao voi day cac goc bang nhau nén hinh chiéu cia S trén mat day cach déu 4
canh cua hinh vudéng ABCD . Suy ra SO vudng goc voi day (O latdm ABCD).

Suy ra SO:?’Vsﬂ:ﬁa.

ABCD
Ta co

CD /| AB=>CD // (SAB)=>d(CD;SA)=d (CD;(SAB))=d (C;(S4B)) = 2d (0;(S4B)).
Ké OM vudng goc 4B tai M va OH L SM tai H .
1 1 a

12= -+ 2:OH: 3.
OH" 0§ oM 2

Suy ra OH =d (0;(SA4B)). Lai ¢6
Vay d(S4;CD)=av3.

Cau 62: Biét rﬁng téng dién tich tat ca cac mat cua hinh bat dién déu béng 8\/3 . Tinh dién tich S mat cau
ngoai tiép hinh bat dién déu.
A. 87. B. 167. C. 43r. D. 8\/37.

Cau 63: Biét rﬁng téng dién tich tat ca cac mat cua hinh bat dién déu béng 8\/3 . Tinh dién tich S mat cau
ngoai tiép hinh bat dién déu.
A. 87. B. 167. C. 43z. D. 8/37.
Loi giai
Chon A
Goi canh cua bat dién déu 13 «. Hinh bat dién déu co tat ca tam mat déu nén téng dién tich tat

ca cic mat cua hinh bat dién déu 1a: 8.%a2.sin 60" =83 = a=2.



Bén kinh mit cAu ngoai tiép hinh bat dién déu la: R =4 = EAC =

LN
2
Dién tich S mat cAu ngoai tiép hinh bat dién déu 1a S = 47R* = 4x. (

Cau 64: Hinh tr dién déu co tit ca bao nhiéu mit phing dbi ximg?
A. 6. B. 3. C. 4. D. 2.

Cau 65: Biét rang thé tich cua mot khéi 1ap phuong bang 8. Tinh téng dién tich cac mit ciia hinh 1ap
phuong do.
A. 16. B. 24. C. 36. D. 27.

CAu 66: Cho hinh chép tir gidc déu c6 canh ddy bing a va canh bén bing a+/3 . Tinh thé tich ¥ ctia khéi
chop @6 theo a.

N By -o .y Dy V3
6 2 3 3
Cau 67: Hinh tir dién déu co tat ca bao nhiéu mit phiang d6i xtimg?
A. 6. B. 3. C. 4. D. 2.
Loi giai
Chon A

e

Hinh tt dién c6 tit ca 6 mit phang ddi ximg.

Cau 68: Biét rang thé tich cia mot khéi 1ap phuong bang 8. Tinh téng dién tich cac mit ciia hinh 1ap
phuong do.
A. 16. B. 24. C. 36. D. 27.
Loi giai
Chon B



Goi x la dg dai canh cda hinh 1&p phuong.

Khi d6 hinh lap phuong c6 thé tichla V =x* =8 < x =2.

Hinh 1ap phuong c6 tat ca 6 miat déu 1a hinh vudng co canh x .

Vay tong dién tich cdc mit ctia hinh 1ap phuong 1a S =6.x* =6.2> =24 .

CAu 69: Cho hinh chép tir gidc déu c6 canh ddy bing a va canh bén bing a+/3 . Tinh thé tich ¥ ctia khéi
chop do theo a.
3 3 3 3
A.V:“m. B.v=%. C.V:"‘E. D.V:“‘g.
6 2 3 3
Loi giai

Chon A

I
-
//&\

@ a10

Goi 4 1a chiéu cao hinh chép, ta c6 & =, (34’ -5

1 laz a\/ﬁ_cfﬂ

V=3Smah =3a 6
3
Céu 70: Cho ling tru tam gidc déu ABC.A'B'C’ canh a va c6 thé tich bang a . Tinh dién tich tam
giac A'BC.
2 2
A. i3, B. 2 3 C. a*. p. L.
2 2
Cau 71: Thé tich khéi bt dién déu canh a bang
3 3 3
A 2L 5.‘“5. C. 2. p, 2032
3 3 3
a3

Cau 72: Cho lang try tam giac déu ABC.A'B'C’ canh a va co thé tich bang . Tinh dién tich tam

giac A'BC.



>
QI\J
P
o
QN
&
A
QI\)
=
QI\)

a3

3

a a
Taco: V=AAS, ;- < =44 < AA'=—.
AABC ] 4 2
Goi M la trung diém cua BC,tacd: AM = a23 ,
o (a) (a3 )
AM =N AA? + AM* = (Ej J{ . j —a

2
Vay S, ,pe = %.A’M.BC =%.a.a = %

Cau 73: Thé tich khéi bat dién déu canh a bang

3 3 3
A 27 5.“‘5. C. V2. p. 2032
3 3 3
Loi gidi

Chon B
Thé tich khdi bat dién déu canh a bang hai 1an thé tich khéi chop tir giac déu co tat ca cac canh
béang a.

1 zﬁj:fﬁ

Do d6, thé tich khdi bat dién déu canh a 1a V = 2.(5.61 = 3

Céu 74: Cho hinh chép tir giac déu S.ABCD c6 canh day bang a. Goi M, N lan luot 1a trung diém cua
S4 va CD. Cho biét MN tao voi mat ddy mot goc bang 30°. Tinh thé tich khéi chop

S.ABCD.
3 3 3 3
A.‘“@. B.‘“/E. C.‘“/g. D.‘“/E.
18 3 12 5

Cau 75: Cho hinh chép tir giac déu S.ABCD c6 canh ddy bang a. Goi M, N lan luot 14 trung diém ciia
S4 va CD. Cho biét MN tao voi mat ddy mot goc bang 30°. Tinh thé tich khéi chop

S.ABCD.

3 3 3 3
A.“m. B.“‘/B. C.“‘B. D.a‘/g.
=18 3 12 5

Huéng din giai
Chon A



Goi O=ACNBD, tacé SO L(ABCD).
Goi H 1a trung diém OA, ta c6 MH // SO = MH L (ABCD).
Do d6 (MN,(ABCD)) =(MN,NH) = MNH =30°.

2 2
Taco: Ni? =[24D | +(2cp| =24 = N =210
4 4 8 4
tanm:ﬁ:ﬂ zﬁ = MH = ay30 .
NH aJ10 3 12
4
Mt khac: SO =2MH =2 630 .
3
Viy thé tich khéi chép S.4BCD la: ¥/ :%.SABCD.SO = %.az. “‘/6% =2 1{? .
Cau 76: Cho hinh chép c6 day 1a hinh vudng canh bang a va c6 thé tich bang 64’ . Chiéu cao ctia hinh
chop bang
A. a. B. 6a. C. 6a’. D. 18a.
Cau 77: Cho hinh chép c6 day 1a hinh vudng canh bang a va cé thé tich bang 64’ . Chiéu cao ctia hinh
chop bang
A. a. B. 6a. C. 6a’. D. 18a.
Loi giai
Chon D

Dién tich ddy 1a S = a*. Do d6 chiéu cao % cua hinh chép la: h = %/ =18a.

Cau 78: Khdi chop S.ABCD ¢6 A, B, C, D c6dinh va S chay trén duong thang song song véi AC .
Khi d6 thé tich khbi chép S.ABCD sg:
A. Giam phan nua. B. Gilr nguyén. C. Tang gap doi. D. Tang gip bon.

Céu 79: Cho hinh lang tru ding ABC.A'B'C" c6 day tam giac ABC vudng, AB = BC =2a, canh bén
A'A=a2, M 1a trung diém cia BC . Tinh tang cua goc gitta A'M véi (4BC).
R B 22 e p. 20
-5 3 3 5

Cau 80: Khéi chop S.ABCD c6 A, B, C, D c¢bdinhva S chay trén dudng thing song song voi AC .
Khi d6 thé tich khdi chop S.4BCD sé:
A. Giam phéan nua. B. Gitlt nguyén. C. Ting gap doi. D. Tang gap bon.

Huéng din giai

Chon B
Goi A la duong thing qua S va song song AC .



Taco: V =%B.h

+A song song ACnén A||(ABCD) = d(S,(ABCD))=d(A,(ABCD))=h khong dbi.
+A4, B, C, D c¢b dinh nén dién tich ta giac ABCD ciing khong doi.
Vi vay the tich khoi chop S.ABCD s€ gitt nguyén.
Cau 81: Cho hinh lang tru dung ABC.A'B'C' ¢6 day tam giac ABC vudng, AB = BC =2a, canh bén
AAd=a\2 , M 1atrung diém ctua BC . Tinh tang ctia goc gitra A'M véi (ABC).

a N0, B 22 eV p, 210,
5 3 3 5
Huéng din giai
Chon A
A o
5
A -l C
M

B
Taco: A'A L(ABC) nén AM la hinh chiéu cia A'M 1én (ABC)

 (AM(ABC)) = (3. 00 ) - .

AM =~ AB* + BM* =|(2a)’ +a* = a5 .

tanA/']\Zél: A4 :aﬁ:m.
AM a5 5
Cau 82: Cho khdi chop tir giac déu c6 canh dy bang a, canh bén bang . Thé tich ciia khdi chép da cho
bang
3 3 3 3
A. Ji4a . B. V2a . C. Ji4a . D. Jia .
2 ) 6 12
Cau 83: Cho khdi chop tir giac déu c6 canh ddy bing @, canh bén bang a . Thé tich cua khdi chop di cho
bang
3 3 3 3
A. */fa : B. */56‘:’ : C. */fa : D. */11_12" .

Loi giai
Chon B



D ¥

Xét khéi chop tir giac déu S.ABCD ¢6 AB=a, SA=a.
Goi O=ACNBD, tacé SO L(ABCD).

2
SO =~/SA>—04* = az_(“ﬁJ :‘“/5

2 2
Thé tich ctia khdi chop S.ABCD 1a

v 1 Za\/ich\/g
)

1
S.4BCD — E'SABCD'SO =—.a <

Cau 84: Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh. Thé tich cta khdi chop S.4BCD bing 3a’.
Biét dién tich ciia tam gidc SAD bang 2a°. Tinh khoang cach /4 tir B dén mit phing (SAD).

A. h=a. E.hzg—a. C.h:3—a.

D h=22
4 2 9

Cau 85: Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Thé tich cua khéi chop S.ABCD bang 3a’.
Biét dién tich ciia tam gidc SAD bang 2a°. Tinh khoang cach /4 tir B dén mit phing (SAD).

Ah=a. B h=2% c.h=32 D, h=24.
4 2 9
Loi giai
Chon B
. 1 1 3V 3345 9
Taco V pp = EVSABCD = Eh'SSAD = h= 2;;15:) = 224> = Za

Cau 86: Cho tir dién ABCD c6 ABC, BCD la cac tam giac déu canh a. Goc gitia (ABC) va (BCD) la
60°. Tinh V., .
3 3 3 3
A V=2 2 a2 a'\3

. B.V = . C.V= . p.v=%_
8 12 16 8

Cau 87: Cho ti dién ABCD c6 ABC, BCD la cac tam giac déu canh a. Goc gitia (ABC) va (BCD) la
60°. Tinh V., .
3 3 3 3
A.V:“‘E. B.V:"‘E. g.V=“‘/§. D.v=2_.
8 12 16 8
Loi giai

Chon C



B D
M

C
Goi M 1a trung diém BC tacé ABC,BCD la cac tam giac déu canh a nén AM L BC va
DM 1 BC , mat khac (ABC)m(BCD) =BC
Vay £((4BC);(BCD))= £(AM;MD)= AMD = 60°.

a3

AM 13 dudng cao cua tam gidc déu ABC = AM = -
Goi H 1a hinh chiéu cta 4 1én MD

. |BCLAM
Ta thay

= BC 1 (AMD) = (AMD) L (BCD) = AH 1 (BCD).
BC LMD

a\/§ . 3a

AH = AM .sin 60° = TSII’I6OO = T

13a a3 a3

3747 4 16

Céu 88: Cho lang try dung ABC.A'B'C' c¢6 day la tam giac vuodng tai 4, AC=a, ACB=60°. BDuong
chéo BC' ciia mat bén (BCC'B') tao v6i mat phing (A44'C'C) mét goe 30°. Tinh thé tich cua

khéi lang tru theo a .

R 1
Vay Vpep = EAH'SABCD =

A, a6 B, ©2V6 c. 26 D. &'\6
2 3 3
Cau 89: Thé tich ciia khdi cau ngoai tiép bat dién déu co canh bang « 1a
3 3 3 3
o e p. N2 . e p, Hf2me’

Cau 90: Cho hinh chép déu S.4BC co day la tam giac déu canha. Goi E, F lan luot 1a trung diém cia
cac canh SB, SC . Biét mit phing (AEF ) vudng gbc véi mit phang (SBC). Tinh thé tich khéi

chop S.ABC.
3 3 3 3
A.‘“/g. B.‘“/g. C.‘“/g. 1).‘“/6.
24 8 24 12

Cau 91: Cho ling try dimg ABC.A'B'C’ c¢6 day la tam giac vudng tai 4, AC=a, ACB=60°. Duong
chéo BC' ciia mat bén (BCC'B') tao v6i mat phing (A44'C'C) mét goc 30°. Tinh thé tich cua
khéi lang tru theo a .
3 3 3
A @6 B, @26 c. @Yo D. a*/6.
2 3 3
Loi giai

Chon D



B

BAL AC T
Ta co: , , = BA L (AA'C'C) nén (BC',(44'C'C))=BC'4=30°.
BA 1 AA’" (do A4' L (ABC))

AABC ¢6 AB = AC.tan60° = a+/3 .
AB
tan 30°

Suyrta CC' =\ AC” — AC* =2a3/2.

=3a.

ABAC' ¢c6 AC' =

Thé tich ciia khdi ling tru ABC.A'B'C' 1a V = AA'S ;. = 2a\/§%a.a\/§ - a*\6.

Cau 92: Thé tich ctia khdi cau ngoai tiép bat dién déu c6 canh bang 4 1a

3 3 3 3
A \/gﬂa ‘ B. \/Eﬁa ‘ C \/Eim . D. 8x/§7ra .
3 6 3 3
Loi giai
Chon C

Gia str hinh bat dién déu nhu hinh v&. khi d6 Ban kinh mit cdu R = SO =+/S4> — 04> .

= R= a2_2_az:a\/§
\ 4 2

Thé tich cua khéi ciu V = gﬁR3 =

NG T
—3



Céu 93: Cho hinh chop déu S.4BC c6 day la tam giac déu canha . Goi E, F lan luot 14 trung diém cua
cac canh SB, SC . Biét mit phing (AEF ) vudng gbc véi mit phang (SBC). Tinh thé tich khéi

chop S.4BC.

3 3 3 3
A.“‘B. B.“‘E. C.“‘/g. D.a‘/g.
24 8 24 12

Loi giai
Chon A

B

Goi K 1a trung diém cta BC va goi H la tryc tim cua tam giac ABC .
Goi I =SKNEF,do E, F lan luot la trung diém cta cac canh SB, SC nén EF // BC va

EF = %BC — J 1a trung diém cua EF va SK .

Do ASAB = ASAC nén AE = AF = AAEF cantai A = Al | EF .
Theo gid thiét mit phing (4EF) vudng géc véi mit phang (SBC).= AI L SK hay tam gidc
av3

5

2 2
Xét tam gidc vudng SAH ta cd SH =~SA* — AH’ =\/(“\/§j —(“‘EJ =aﬁ.

SAK cantai K = SA=AK =

2 3 6

a*~3 a\/ﬁ _a3\/§

1
34 6 24

Thé tich khbi chop S.ABC 1a V = %SABC SH =



Ciu 1: (THPT Chuyén Hung Vwong-Phti Tho-lan 1-NH2017-2018) Cho hinh chép S.ABCD c6 day
ABCD 1a hinh vuéng canh a, SA=a va SA vudng goc vé6i day. Goi M 1a trung diém SB ,
N 1a diém thudc canh SD sao cho SN =2ND . Tinh thé tich ¥ cua khéi tir dién 4CMN .

A'V:L‘f B-V=la3- C.V=la3. D.V=La3.
12 6 8 36
Loi giai
Chon A
3
Cich 1. Ta c6 V00 :%SA,SABCD -L
1 11 (1 a
Vibac :ENH‘SADAC :g-ga-(aazj :_8
1 la(l,) &
V. =—MK.S =——|—a |=—
MABC 3 AABC 3 2 ( j 12
ld(A’(SZMN))'SAsz\/fN za_3
3 18
1 12 1 a a’
Suy ra VNSAM :gNL‘SASAM :gga(gagjzg
a 1

=—a
18 18 12 18 12

Cich 2. Goi O la giao diém cia AC va BD.

1 3
Ta e Vs ey =3 SAS ey = % Vi OM //SD nén SD//(AMC).

Do d6 d (N;(AMC))=d(D;(AMC))=d(B;(AMC))

1 a’

=Vieww =Vvaae =Vosuc =Vesuc =V pac = ZVS.ABCD = E
1 . 1
(do d(M;(A4BC)) =Ed(S;(ABC))va Sausc =7 Sunco )
Cau 2: (THTT S6 1-484 thang 10 nam 2017-2018) Ong An mudn xay mot cai bé chira nude 16n dang
mot khdi hop chir nhat khong nép c6 thé tich bang 288m’. Pay bé 14 hinh chit nhat ¢ chiéu
dai gap doi chiéu rong, gia thué nhan cong dé xay bé 1a 500000 dong/m?*. Néu ong An biét xac



dinh céc kich thudc cua bé hop li thi chi phi thué nhan cong sé& thap nhat. Hoi ong An tra chi
phi thap nhat dé xay dung bé d6 1 bao nhiéu?
A. 108 triéu dong. B. 54 triéu dong. C. 168 triéu dong. D. 90 triéu dong.
Loi giai
Chgn A
Theo bai ra ta c6 dé chi phi thué nhan cong 1a thdp nhat thi ta phai xay dung bé sao cho tong
dién tich xung quanh va dién tich day la nho nhat.
Goi ba kich thuéc ciia bé 1a a, 2a, c. (a(m)>0,c(m)>0)

Ta c6 dién tich cach mit can xay 1a § =2a’ +4ac+2ac =2a" +6ac .

Thé tich bé V = a.2a.c =2a*c = 288:>c-1424

a

Vay S =2a° +6aﬁ=2a2+%=2a2 ﬁ ﬁ>3 32a 2432@—216.
a’ a a a \ a a

Vay S, =216m’
Chi phi thap nhat 1a 216 x 500000 =108 tri¢u dong.

Cau 3: (THPT Chuyén Quang Trung-Binh Phudc-Ian 1-nam 2017-2018) Cho khéi chop S.4BC co
ASB=BSC =CSA=60°, SA=a, SB=2a, SC =4a. Tinh thé tich khéi chop S.4BC theo a.

8a3\/§ B 2a3\/§ C 4a3x/§ D a3\/§

3 - 3 3 3
Loi gidi
Chon B
]
A
M
B
C
M1
% o SB 2
Lay M € SB, N € SC thodaman: SM =SN=S4=a = L
SC 4

Theo gia thiét: ASB = BSC = CSA=60° = S.AMN 1 khéi tir dién déu canh a.
3
Do do: V. a2 .

S.AMN T



’ supc  SB SC 24

2a3\/§
—3 .

= Vs a5 =85 o =

1

8

Ciu 4: (THPT Chuyén Thai Binh-lan 1-nam 2017-2018) Cho hinh chop S.ABC c¢6 day 1a tam
giac ABC déu canh a, tam giac SBA vudng tai B, tam gidc SAC vuodng tai C. Biét goc giira
hai mit phang (SAB) va (ABC) bang 60°. Tinh thé tich khdi chép S.4BC theo a.

3 3 3 3
A. ‘/386‘ . B. ‘%’ . C. ‘665’ . D. \/ia .
Loi gii.
Chon B

Goi D 14 hinh chiéu ctia S 1én mit phang (ABC), suy ra SD 1 (ABC).
Tacd SD L AB va SB 1 AB(gt),suyra AB L (SBD)=>BA L BD.

Tuong ty c6 AC L DC hay tam gié‘c ACD vubng & C.
Dé thay ASBA=ASCA (canh huyén va canh goc vudng), suy ra SB=SC. Tu d6 ta chimg
minh dugc ASBD = ASCD nén ciing c6 DB =DC.

Vay DA la duong trung truc cua BC, nén cling 1a dudong phén giac cia goc BAC .

Ta c6 1714?7=30°, suy ra DCz%. Ngoai ra goc giita hai mat phang (SAB) va (ABC) la
SBD =60°, suy ra tan SBD =-—=> SD=BDtanSBD =— A3 =a.
BD NE)
. 1 1 az\/g a3\/§
Vay VSABC ZE'SAABC'SDZE' 4 a= D .

Ciu 5: (THPT Chuyén Thai Binh-lan 1-nam 2017-2018) Cho hinh chép S.4BC c¢6 day la tam giac
ABC vudng tai A goc ABC =30°; tam gidc SBC la tam giadc déu canh a va mit phang
(SAB) vudng géc mit phang (ABC). Khodng céch tir 4 dén mit phing (SBC) 1a:

“*/g. “36. C. —“*3/5. D a6

B. .
5 -6

A.

Loi giai.
Chon D



C

Ta c6 tam giac ABC vudng tai 4 goc ABC =30° va BC = a,suy ra Ang >

. . |(54B) L(4BC) g N
Lai c6 = AC 1 (S4B), suy ra tam giac SAC vudngtai 4.
CA1 4B

2
Suyra SA=~/SC* - AC* = f ﬁ a\/_

Tam giac SAB co s4=4 3 ) SB a. Tu d6 st dung cong thic Hé-rong ta tinh

a2 2SSAB a6 a\/_ 2AB

duge S, == = SH =25 - N2 ppy AV
4 AB 3 3 3

Suy ra d(H,(SBC)):%d(A,(SBC)).TfI H ké HK 1 BC.
a3

Ké HE 1 SK = HE 1 (SBC). Ta dé tinh dugc HK = — d(H,(SBC))=

3 af a\/g'

2 9 6
Cau 6: (THPT Hoa Luw A-Ninh Binh-lan 1-nam 2017-2018) Cho hinh chép S.4ABCD cé day ABCD la hinh

3

Vay d(A,(SBC)):Ed( .(SBC)) =

chit nhatvéi AB=a, BC = a\/g. Canh bén SA4 vuéng géc véi day va duong thang SC tao véi mét
phang (SAB) mdt géc 30°. Tinh thé tich V' cda khéi chép S.ABCD theo a.

3 3 3
2\/&1 21 C V=\/§a3. —\/ga .

AV = B. V= D.V =

= 3 3 ) 3
L& gidi

Chon A




BC 1 54 . g s
Ta co: {BC | 4B =BCL (SAB) => SB 1a hinh chiéu ctia SC 1én mat phang (SAB) .

= (SC,(S4B))=(SC,SB) = CSB=30°.
Xét tam giac SBC vudng tai B c6 tan30° = ?—g = SB=3a.
Xét tam gidc SAB vudngtai 4 c6 SA=~SB>—AB* = 2a/2.

Ma S ) = AB.BC = a*\3 .

1 24°
Vay V=2 Susco 54 = "3@.

Cau 7: (THPT Hoa Lw A-Ninh Binh-lan 1-nam 2017-2018) Cho hinh chép S.ABCD cé day ABCD la hinh
thoi va cé thé tich bang 2. Goi M, N Ian lwot 13 cic diém trén canh SB va SD sao cho

Sﬂ:S—N: k . Tim gia tri cla k dé thé tich khéi chép S.AMN bang l
SB  SD 8
A.kzl. B.kzﬁ. Q.kzﬁ. D.k:l.

8 2 4 4

Loi gidi
Chon C
Taco Vs =&S—MS—N =k’
Ve o SA SB SD
1 1 1 V2

Ma Vs iy Zg’ Vs asp ZEVS.ABCD =1:>§=k2 3k=T.

Cau 8: (THPT Hoa Lw A-Ninh Binh-lan 1-nam 2017-2018) Cho khéi t&t dién ABCD c6 thé tich V' va diém
E tréncanh AB saocho AE =3EB . Tinh thé tich khéi t& dién EBCD theo V.
AL B. L. c”. p.~.
4 3 2 5

Lo giai



C
VB.ECD _ﬁ £ AD 1 1

s =V, yop ==V
VAABCD BA AC AD 4 B.ECD E.BCD 4

Cau 9: (THPT Hoa Lu A-Ninh Binh-lan 1-nam 2017-2018) Cho hinh t& dién déu ABCD c6 canh bang 3.
Goi G,, G,, G,, G, lan luot 1a trong tdm cla bén mat cta t&r dien ABCD. Tinh thé tich V" cla khéi
te dién G,G,G,G,.

N Ve oz Ve

V=22 B. V=2, C.V= . D. V=%,
4 18 32 12

T¢ dién déu ABCD = AG, 1 (BCD).

d(Gl;(G2G3G4)) MG, 1

Ta cé ngay (G,G,G,)//(BCD)=

G A M43
Canh CG, :BTS =\V3=GA=4C"-GC* =6 = d(G;:(G,G,G,)) :?.
Lai co %zﬁzzsz@ =2MN=lBD=1.
MN — AM 3 3 3
Tuwongtv G,G, =1, G,G, =1= AG,G,G, latam gidc déu c6 canh bang 1
1 . 3 1 2
= S0, = 3 G,G,.G,G, sin60° = ¥ = Vo6, = gar (G:(G,G,G,))Sg,6.6, = e



Cau 10: (THPT Hoa Lu A-Ninh Binh-lan 1-nam 2017-2018) Cho hinh chép déu S.ABCD c¢6 AC =2a,
goc gilta mat phang (SBC)vz‘a mit phang (ABCD) bdng 45°. Tinh thé tich V' cla khéi chép

S.ABCD theo a.
3 3 3
a2 B. - 23 C.V=a'V2. p.v=2.

A V= . . .
3 3 2

L&i gidi

Chon A

Goi M 14 trung diém ciia BC, suy ra OM 1 BC .
Ta co (W)z%z%".
Tacé AC* = AB*+BC* =4a*> = AB=BC=av2.

o =L ag= 2 _ 50 a2 ngse V2
2 2 2 2
5 1 1 a2 2 248
Vay VSABCD_E-SO-SABCD—E- 5 -(Cl 2) = 3 .

Cau 11: (THPT Hoa Lu A-Ninh Binh-lan 1-ndm 2017-2018) Cho khéi ldng tru diérng, mat phing (P) diqua
C’' va céc trung diém clla AA4', BB' chia khéi lang tru ABC.A'B'C’ thanh hai kh&i da dién cé ty s&
thé tich bang k véi k<1. Tim k.

A. l B. z C. 1. D. l
3 3 2
Lo gidi
Chon D

Goi D, E, F lan luot 1a trung diém ciia A4', BB', CC' va h 1a 6 dai chiéu cao ctia khdi ling

tru ABC.A'B'C'. Khi d6 ta cod

1 h 1 1
Veer = _‘SADEF‘E = g‘SADEF'h = g‘VABCAA'B'C"

3



Mat khac V. pcper =§‘VABC‘A,B,C,.

V. 1
_ _ _ C'DEB'A'  __
Suyra Vepeso ¥ Veper ==V isc awe S Veesar ==Vipcape & k= =—.
2 3 VABCDC'E 2

Cau 12: (THPT Lé Hong Phong-Nam Dinh-lan 1-nam 2017-2018) Cho khéi chép S.4ABC c6 géc
ASB =BSC =CSA=60° va SA=2, SB=3, SC=4.Thétich khdi chop S.4BC.

A 242, B. 243. C. 43. D. 3v2.
Loi giai
Chon A

B
Goi B' trén SB sao cho SB’ =§SB va C' trén SC sao cho SC’ =%SC.

2

Khi d6 S4=SB'=SC'=2 = S.AB'C’ 1a khéi t&r dién déu.

Ta cé: AMzﬁz\/g SAO:EAM:&
2 3 3
Nén SO =+/S4> — 40 :_2\3/3 va S e =3,

. 1 12
Khi @6 VS'ABVCV ZESAB'C"SO :T.

Vs anc :ﬁ SB SC

Voupe SA SB' SC' 5.4BC S.AB'C

Ma ta lai co:
Cach khac:

Vs igc = %\/1 — cos” ASB —cos’ BSC — cos® CSB +2¢0s ASB.cos.BSC.cosCSB = 242

Cau 13: (THPT Chuyén Bic Ninh-lan 1-nim 2017-2018) Hinh ling try ABC.A'B'C’ ¢6 day ABC la
tam giac vudng tai 4; AB=1; AC=2. Hinh chiéu vudng goc ciia 4’ trén (4BC) nam trén
dudng thing BC. Tinh khodng cach tir diém 4 dén mit phing (4'BC).

v A

A X2 B. C
5

D. 2.
2 3
Loi giai

W | —

Chon C



Goi H 1a hinh chiéu vudng goc cia A’ 1én (A4BC).

Gia st AH=x>0; BC=+/5; SMBC=%AB.AC=1.

TacoV, e =%A'H.SAABC =%.x.
3V yane X _ 2x 2

d(4,(4'BC))=

Sursc - 1A'H.\/§ B x_\/g B \/g ‘
2

Cau 14: (THPT Chuyén Bic Ninh-lin 1-nam 2017-2018) Cho khéi ling tru ABC.A'B'C’ c6 thé tich
bang 2018. Goi M 1a trung diém A4'; N,P lan luot la cac diém nam trén cac canh BB',
CC' sao cho BN =2B'N, CP =3C'P . Tinh thé tich khéi da dién ABC.MNP.

32288 g, 40360 c 4036 o 23207
27 - 18
Chon D
Ta cé VABCAMNP :l(AA{ " B]V, n CP’J :2 . Vﬁ.y VABC v = 23207 ‘
“meance 3\ A4AA" BB" CC 36 ' 18

Cau 15: (THPT Chuyén Bac Ninh-lan 1-nam 2017-2018) Cho khbi ti dién ABCD c6 thé tich 2017 .
Goi M, N, P, QO lan luot 1a trong tdm cua cac tam giac ABC, ABD, ACD, BCD. Tinh
theo V' thé tich cuia khéi tir dién MNPQ.

A 2017 B, 4034 c. 8068 D, 2017
9 81 27 27
Loi giai
Chon D



Vierc _ Serg :l =V ==V
Viseo  Ssep

(Do E,F,G lan luot 1a trung diém cua BC, BD, CD ).

VAMNP_SM SN SP 8 —iV _i lV —iV
VAEFG SE SE SG 27 AMNP 27 AEFG 27 : 4 ABCD 27 ABCD
VQMNP 1 1
Do mét phang (MNP)//(BCD) nén —====—< Vo =—V,p
AMNP 2 2
1 2 1 2017

VQMNP 2 27 ABCD — 27 ABCD — 7
Cau 16: (THPT Chuyén Bac Ninh-Ian 1-nam 2017-2018) Cho hinh lang truy ABC.A'B'C’ c6 day 1a tam

gidc déu canh a. Hinh chiéu vudng goc ciia diém A’ 1én mit phang (ABC ) trung voi trong
~ ., - X , , n . \ 2 P M a\/g p

tam tam giac ABC . Biét khoang cach gitra hai duong thang 44" va BC bang 0 Tinh theo
a thé tich V' ctia khdi lang try ABC.A'B'C’.

a3 a3 a3 a3

B.V= C.V=

AV =

6 = 12 3 ) 24
Loi giai

Chon B

Tacod A'G L(ABC) nén A'G LBC; BC L AM = BC L (MAA')

a3
4

Ké MI L A4"; BC LIM nén d(AA’; BC)=IM =

Ke GH Lad taco A9 _GH _2 L o 2 a3 _al3
aM M3 374 6



&
&

11 . 1
HG* A'G* AG*

- g AGHG __

- J4G -HGE \/

w ‘

Q o
LS}
W

w‘QN
—
[\

a a*\3 a3
Visesgeo =A'GS o =———= dvtt).
ABC.A'B'C ABC 3 4 12 ( )
Cau 17: (THPT Xuan Hoa-Vinh Phtic-nam 2017-2018) Cho hinh chép tir giac S.ABCD c6 day la

vuéng; mit bén (S4B) la tam gidc déu va ndm trong mit phing vudng goc véi day. Biét

khoang cach tir diém 4 dén mat phang (SCD) bang 37a

. Tinh thé tich ¥ cta khéi chop

3
B.V=d. C.V=§a3. D,y =%

Loi giai

Goi I; J lanluot 1a trung diém cua AB; CD; K 1a hinh chiéu cua I 1én SJ
Dit canh day bang x khi do SI = x3

— >, IJ=x.
2
Vi AB//CD nén d(4;(SCD))=d(I:(SCD)) = IK = ——2__
VIS® + 17
3
C>3aﬁ= 2 = x=a~3.
7 2 3 2
X +—X
4

3
Tur d6 suy ra Vzlexzz%.

Cau 18: (THPT Xuan Hoa-Vinh Phiic-nim 2017-2018) Cho hinh ling try dimg ABC.A'B'C’, biét day
ABC 1a tam giac déu canh a. Khoang cach tir tim O cula tam gidc ABC dén mit phang
(4'BC) bing %. Tinh thé tich khdi lang tru ABC.A'B'C’.



A 3a3\/§ 3a3\/§ 3a3\/§ D 3a3\/§

. B. . C. . D.
8 28 4 16
Loi giai
Chon D
2
Dién tich day 1a B=S5, . = #.

Chiéu cao la h=d((ABC);(A'B'C"))=A4'.

Do tam gidc ABC la tam giac déu nén O 1a trong tAm ctia tam giac ABC . Goi I la trung diém
cia BC, H 1a hinh chiéu vudng goéc ctia 4 1én A'] ta
c6 AH 1 (A'BC) = d(4;(A'BC))=AH

A’ C’

d(0;(A'BC
M=Q=l:d(0;(/f3c))= = =—=AH =
d(4;(4'BC)) 14 3
Xét tam giac A'Al vudng tai A ta co:

1 11 1 [ a3 a3

= S A =—= = h=""T"=
22 22

AH?> AA” A’ AA? AH® A
Cau 19: (THPT Son Tay-Ha Noi-Ian 1-nam 2017-2018) Cho khéi t& dién ABCD c6 thé tich bing V', thé

4 V2

ABC.AB'C' =
16

h

!

tich cta khéi da dién cé dinh 13 trung diém céc canh cla t&r dién ABCD bang V. Tinh ti sé 7

L .1
8 Vo4
Loi giai

VV VI
B. —= D. —=
4 4

AW




Vierwr _ Vier ﬂ ﬂ ﬂ _l

Ta co === = = . .
BCD V AB AC AD 8
Tuong tu: VBIGE :l VCIHJ :l VDHGF :l_
v 8 vV 8 vV 8
Viy: L:1—4.121.
V g8 2

Cau 20: (THPT Son Tay-Ha Ngi-lan 1-nam 2017-2018) Cho khéi chép S.ABCD cé ddy ABCD la hinh

vudng canh a, S4 vudng géc véi mat phang (ABCD) . Goc gitra mat phang (SBC) va (ABCD)
bang 45°.Goi M, N lan luot 1a trung diém AB, AD . Tinh thé tich kh&i chép S.CDMN theo a.

N 5 s¢ b @

e g S0 —
Loi giai

Chon C

Ta c6 (SBC)N(ABCD)=BC, BC L(S4B)= BC L SB, AB 1 BC nén gbc giita mit phang
(SBC) va (ABCD)1a SBA.Dod6 SA= ABtan45' =a .

2 2 2
Mt khc S,une = S — Sy — Sy = @ — =2
8§ 4 8
1 1 5¢° 54°
Vay Vs couy =5 Sepuy-SA =~ "—a="—.
y S.CDMN 3 CDMN 3 8 24

Cau 21: (THPT Son Tay-Ha Ngi-lan 1-nam 2017-2018) Cho hinh I&ng try ding ABC.A'B'C’, day ABC la

tam gidc vudng tai 4, canh 44" hop véi B'C mot géc 60° va khoang cach giira ching bang
a, B'C =2a.Thétich cla khéildng tru ABC.A'B'C’' theo a:

3 3 3
AL B. V3a . C. V3a .
2 2 4

Lo gidi

D. L.
4

Chon B



Vi CC'// AA" nén goc gitta AA' va B'Cla goc gitta CC'va B'C vala goc B'CC' = 60°

. ., BC
sin 60 :TC B’C’:£.2a=a\/§
Trong AB'C'C: = 2
cos60°—£ CC'—1 2a =
B'C —E. a=a

Goi H 14 hinh chiéu ciia 4 1én BC, khidé AH L (BCC'B')=d(A4A',B'C)=AH =a.

3
Viscase = SAABCAA’ = %AH.BC.AA' = (%.a 3.aj a= a ;/g

Cau 22: (THPT Chuyen DH Vinh-GKI1-nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la
hinh chit nhat, tam gidc SAD vudng tai S va nam trong mit phang vudng goc v6i mat phang
day. Cho biét AB=a, SA=2SD, mit phang (SBC ) tao v&i mit phang ddy mot goc 60°. Tinh
thé tich cua khdi chop S.4BCD .

3 3 3
AL B. 54°. c. B D. 3%,
2 2 2
Loi giai
Chon A

Goi H 1a hinh chiéu ciia S trén AD va K 1a hinh chiéu cia H trén BC.
Ta c6 293,32 = SH L(ABCD).
HK 1 BC

= BC L SK . Do dé géc tao boi hai mit phang (SBC) va (ABCD) la géc
SH 1 BC

SKH = 60°, SH = HK tan 60° = a/3



12: 12+ 12:> 12: 52:>SD=*/15“,SA=a Ts’ADzsﬁa‘
SH® S4°~ SD 3a~ 45D 2 5
1 1 5\/§a 54°
V&ABCD = ESH'SABCD = ga\/g.a. ) = T .

Cau 23: (THPT Chuyén PH Vinh-GK1-nim 2017-2018) Cho hinh chép tam giac déu S.ABC co
SA=2a, AB=3a.Goi M la trung diém SC . Tinh khoang cch tir M dén mit phang (SAB).

A.ﬂa. B.ﬂa. C.ﬁa. D. 3\/541.
14 2 4 7
Loi giai
Chgn A

Céch 1: (Néu chi dung kién thirc 10p 11 ¢6 thé xép bai nay vao tham sd)
Goi N la trung diém 4B, O la trong tdim AABC.
d(M
Ta co ( ’(SAB)) = MS =l
d(C.(S4B)) SC 2
. d(C,(54B)) _CN _
d(0,(S4B)) ON

= d(M,(S4B))= %d (C.(54B)).

3=d(C,(S4B))=3.d(0,(S4B)).

Nén d(M,(S4B)) =%.d(0,(SAB)).

Ké OH L SN tai H.

. [4BLCN
Ta c6: = AB L (SCN)= 4B L OH .

AB L SN

‘ {OHLSN

Va = OH L (S4B) tai H =d(0,(S4B))=OH
OH L AB

OAz%CNza\/g:SOzx/SAz 04> =a
1 a\/g

ON =—CN =
3 2

Tinh: CN =

3a.\/§
=
2

Jr;izzl:whr:‘“/ﬁ
a

Tam giac ASON vuéng tai O = = 3 7
a

= +
OH®> SO* ON’ a

1 1 1 1
2



Vay d(M,(S4B)) :%.d(O,(SAB)) :%OH :%.W? _ 3af
Cach 2:

Goi N la trung diém 4B, O la trong tam AABC.

3a'2\/§:>0A=§CN=a\/§:>SO=\/SA2—0A2 —a.

2
SN =S4 —AN” = |4a> - 2% — a7

CN =

4 2
|4 SM 1 1 11 1 (3(1)2\/5 3
TaCé:MZ—:—DV ==V =—-=. SO =—. a=
Vi se SC 2 SABM = 5 VS.ABC T 3 PaaBC p 1 5
! 1 a7 3a3\7
SASAB ZESN.AB =—_. ) 3a= y X
3 34°3
d(M,(SAB)) = 3V au _ 8 _ 3(1\/5 .
SASAB 3a2\/7 14
4

CAu 24: (THPT Yén Lac-Vinh Phtic-Ian 1-nam 2017-2018) Cho hinh chép S.4BCc6 day 1a AABC
vudng can & B, AC=av2, SAL(4BC), SA=a. Goi G la trong tim cia ASBC, mp(c) di

qua AG va song song v6i BC chia khbi chép thanh hai phan. Goi V 1a thé tich cua khéi da
dién khong chtra dinh S'. Tinh V.
3 3 3 3
A2 B. 2 c. 2% D. 2%
9 27 54 9
Loi giai

Chgn C



B

Trong mit phang (SBC ) Qua G ké duong thang song song v6i BC va lan lugt cat SC, SB
tai E, F.Khi d6 ta dugc khdi da dién khong chira dinh S 1a ABCEF.
Tacod G 1atrong tdm ctia ASBC nén Voare :ﬁgﬁ :%g :i

Ve se SA SB SC 33 9

. 4 4 5
Do do6 Vs are = E‘VSAABC = Viscwr = VMBC _E‘VSAABC = E'VSAABC‘

Vi tam gidc AABC vudng can 6 B, AC = a2 nén AB=BC=a.
11 a’ 5d 54
Mit khac V. =——aaa=—.Suyral) == —=—..
: s.aBC =3 6 y ABCEF = T oy
Cau 25: (THPT Yén Lac-Vinh Phtic-lan 1-dé 2-nam 2017-2018) Cho hinh chop S.ABCco6 day la
AABC vuéng can & B, AC:ax/E, SAJ_(ABC), SA=a. Goi G la trong tam cua ASBC,
mp(a) di qua AG va song song véi BC chia khdi chop thanh hai phan. Goi V 1 thé tich cua

khéi da dién khong chtra dinh S . Tinh V.

A B. 24 C. 5a p. 24
9 27 54 9
Loi giai
Chgn C
8




Trong mit phang (SBC ) Qua G ké dudng thang song song véi BC va lan luot cat SC, SB
tai E, F.Khi d6 ta dugc khdi da dién khong chira dinh S 1a ABCEF.
Ta c6 G la trong tam ciia ASBC nén Vsre :&S—FS—E :ZE :i.
Ve ise SA SB SC 33 9
. 4 4 5

Do do6 Vs are = E'VSAABC = Vipcwr = VS_ABC _E'VSAABC = E'VSAABC'
Vi tam gidc AABC vudng can & B, AC=a2 nén AB=BC=a.

i 11 a’ 54 54
Mat khac VS.ABC = gga.a.a = z Suy ra VABCEF = gz = g .

Ciu 26: (THPT Nguyén Khuyén-Nam Dinh-Iin 1-nam 2017-2018) Cho khéi hop 4BCD.A'B'C'D' .
Goi M, N, P lanluotla trung diém ctua AB, AD va AA'. Tinh ti s6 thé tich &k cua khéi chop
AMNP va khbi hop d cho.

11 1., 1
Suy ra: —.S,,,,.d (P;(AMN)) = 5.gsAl,CD.Ed (4:(ABCD)) <V, \p = 4—8VABCD.ArBrch~
1
Vay k=—.
AT

B6 sung cach 2
Ve  AM AN AP 1

Taco Vo ABADAAS v, 1,
VABDA' — l VABCDA'B'C'D' 48

VABCDA'B'C ‘D' 6



Cau 27: (THPT Nguyén Khuyén-Nam Dinh-lan 1-nam 2017-2018) Cho t& dién ABCD c6
AB=CD=+/5, AC=BD =110, AD = BC =13 . Tinh thé tich t& dién d3 cho.

A. 5v26. B.@. C. 4. D. 2.
Léi giai
Chon D

Long khéi tir dién ABCD vao mét khdi tr dién AMNP sao cho B,C, D lan luot 13 trung diém
MN,NP, PM nhu hinh vé.

D& dang ta c6 khéi AMNP c6 AM, AN, AP d6i mot vudng géc va MN = 24/5; NP =2410;
AD =213
Suyra AM =4; AN =2; AP =6, nén thé tich V,,,,,, = éAM.AN.AP =8.

. 1
Ma Ve, = Z Ve =2 -

CAu 28: (THPT Hai Ba Trung-Vinh Phtic-Ian 1-nam 2017-2018) Cho hinh chép S.4BC c¢6 ddy ABC
la tam gidc vudng tai A, BC=2a, A/B\C=60°. Goi M 1a trung diém BC. Biét
a/39

3

A. 2a. B. 4a. C. 3a. D. a.
Loi giai

S4=8B=SM =

. Khoang céach tir S dén mit phang (ABC) la:



e

Chon A V& lai hinh,chu y vi tri diém H

Theo dé ta c6: AC = BC.sin60° =a~/3 va AB=BC.cos60°=a.

Suy ra tam gidc ABM déu canh bang a va hinh chop S.4ABM 1a hinh chép déu.
Ha SH L (ABC) = H latrong tdm cla tam gidc ABM .

1 az\/g a2x/§
2

Tacd S, e =EAB.AC=

= S 7

AB.AM .BM
Ma S, 0 :T:HA:R:%

Tam giac vuéng SAH => SH =+/SA> - HA* =2a
Vay khoang céch tir S dén mit phang (ABC) bang 2a.
Céach khac: Chon h¢ truc toa d6 trong khong gian Oxyz .
Céiu 29: (THPT Hai Ba Trung-Vinh Phtic-Ian 1-nam 2017-2018) Cho hinh chop S.ABC c¢6
ASB =BSC=CSA=60°, S4=2, SB=3, SC=6. Tinh thé tich ctia khéi chép S.4BC.
A. 6+/2 (dvtt). B. 18+/2 (dvtt). C. 92 (dvtt). D. 3+/2 (dvtt).
L& gidi

Chon D



Trén canh SB, SC lan luot iy E, F saocho SE=2 va SF=2.
Mait khac ASB = BSC = CSA = 60° suy ra hinh chop S.4EF 1a chop tam giac déu co tit ca cac

canh bang 2.
Goi H la trong tim AAEF = SH 1 (AEF') (v& thém bén canh hinh chop déu S.4EF cho em
nhé dai ca)

A4, = 2? =3

. 2 2 2
Goi 4, 1a trung diém cua EF =< AH =§AA1 =§\/§

SH =~/SA* — AH® =¥

1 22
Suyra Vs :ESH'SAAEF =—.
Taco: coar 22 S 2 1 2y =TV =32
Veuse SB SC 33 9 ' 27

Cau 30: (THPT Viét Tri-Pht Tho-lan 1-nam 2017-2018) Cho hinh chép tam giac déu S.ABC. Goi M, N
[an lwot la trung diém ctia BC, SM . Mat phang (ABN) cat SC tai E. Goi V, lathé tich cla khéi
chép S.ABE va V] la thé tich khéi chop S.4BC. Khang dinh nao sau day ding?

AV—lV BV—lV CV—lV DV—lV

) 4 1° =* "2 3 1 ) 6 1 2 8 1

Loi giai
Chon B



Goi I 1a trung diém cta ECnén IM 13 dudng trung binh ciia tam gidc BCE = MI//EN
Ma N la trung diém ciia SM = EN la dudng trung binh ciia tam gidc SMI suy ra E 1a trung
diém cua ST .

Vo SE L, 1,
v, SC 3 3

Cau 31: (TT Diéu Hién-Can Tho-thang 10-nam 2017-2018) Thay TAm can xay mdt ho chtra nuéc voi
dang khdi hop chir nhat khong nip co thé tich bang 5%.0 m’. Pay ho 13 hinh chit nhét ¢ chiéu

dai gap doi chiéu rong. Gia thué nhan cong dé xay ho 1a 500.000 dong/m”. Khi d6, kich thudc
ctia hd nude nhu thé nao dé chi phi thué nhan cong ma thady Tam phai tra thap nhat:

A. Chiéu dai 20 m, chiéu rong 15 m va chiéu cao ? m.

B. Chiéu dai 20 m, chiéu rong 10 m va chiéu cao % m.
A gas A A LA 10

C. Chiéu dai 10 m, chiéu rong 5 m va chiéu cao 3 m.

D. Chiéu dai 30 m, chiéu rong 15 m va chiéu cao % m.

Loi giai

Chon C

R A

T X

2x
Gia sir thay Tam xay cai hd dang khdi hop chit nhat khong nap nhu hinh v& trén. Do khdi hop
chit nhat c6 thé tich 1a 200 m’ néntacd V =2xh= 500 (m3) =>h= 25? .

3 3 3x

Vi gia thué nhan cong dé xay hd 1a 500.000 déng/m?. Do xay bon xung quanh va day nén
gia nhan cong dé xay xong cai hd la:

T = (2xh +2.2xh +2x*) 500000 = 500000(6x.%+2x2j =
X

T= 500000(ﬂ+2x2j . Takhao sat ham 7' = 500000(ﬂ+ 2x2j Vol x>0:
x X



T'= sooooo(—ﬁwﬁ =0 < x=5= Chiéu dai 10 m, chiéu rdng 5 m, chiéu cao % m.
X
Cau 32: (TT Diéu Hién-Can Tho-thang 11-nam 2017-2018) Cho hinh chép déu S.ABCD c6 do dai
canh day bang a. Goi G 1a trong tim tam gidc SAC . Mat phang chita 4B va di qua G cit
cac canh SC, SD lan luottai M va N . Biét mat bén cua hinh chop tao véi day mot goc béng
60°. Thé tich khbi chép S.ABMN bang:

3 3 3

A a—. B.a —. C.a . D. 3a3£.
4 8 16 16
L&i giai

S

A o~

Vi G 1a trong tdm tam gidc SAC nén AG cat SC tai trung diém M clta SC, twong tv BG cét
SD taitrung diém N cta SD.

Goi O la tdm cla hinh vuéng ABCD va I 13 trung diém cla AB . Suy ra gdc gitta mat bén (SAB) va

a3

mit ddy (ABCD) 1a SIO = 60°. Do dé SO = OI.tan 60° = =

1 1 ax/§ a3\/§

Suyra Vs yzep :ESABCD'SO = Eaz ) 5 = 6

. , 4 SA SB SM 1 1
Matkhac Vs pcp =2V 150, talai co ﬁ = 4 SB SC = 5 = Vs asu :E'VS.ABC :
Vo SASNSM_ 1111,
Vesr SA SD SC 22 4 ‘ 4 =

) 3 34V3 a3
Vay Vs v :ZVSAABCD = ZT = g

Cau 33: (THPT Chuyén Vinh Phtic-1an 2-nam 2017-2018) Mbi dinh cda hinh da dién 1a dinh chung cda it
nhat bao nhiéu mat?
A. Nam mat. B. B6n miit. C. Ba mit. D. Hai mit.
Loi giai
Chgn C
M&i dinh cua da giac la giao diém cua it nhat hai canh, mdi canh lai 13 canh chung ctia hai mat
nén mdi dinh ctia hinh da dién 1a dinh chung cua it nhat 3 mit.



Cau 34: (THPT Chuyeén Vinh Phtic-1an 2-nam 2017-2018) Cho khéi chép S.ABCD c6 thé tich bing 24’
va déy ABCD I3 hinh binh hanh. Biét dién tich tam gidac SAB bing a’. Tinh khodng cach giira hai
duong thang SA4 va CD.

A. a. B. 3a. C. 6a. D.37a.
Chon B

DC//AB
Taco = DC//(SAB).

AB c (SAB)

Vay d(S4,DC)=d(DC,(S4B)) =d(D,(S4B)).
Mét khéC: VSAABCD = VSAABD + VSADBC *
Taco S,;, =S, (ABCD]Ia hinh binh hanh).
3
Vay Vy = %VS'ABCD =a’ = d(D,(S4B)) = s 30 _3,

SAB

ABD

Cau 35: (THPT Chuyén Vinh Phtic-lan 2-nam 2017-2018) Cho khéi lang tru dirng ABC.A'B'C’ c6 ddy la
tam gidc déu. Mt phang (A’BC) tao vdi ddy géc 30° va tam gidc A'BC c6 dién tich bang 8. Tinh
thé tich V clia khéi lang tru d3 cho.

A V=83, B. V=163 C. V=643, D. V=23
Loi giai
Chon A Hinh vé danh dinh sai,da danh lai




Goi M 1a trung diém cia BC. Ta co:
(A'BC)N(ABC)=BC

AM 1 BC = ((4'BC),(4BC)) = AMA=30°
A'M L BC
Gia stir x>0 1a canh ciia tam giac déu ABC ta c6: AM = # .
Xét tam giac vuong A'AM ta cd: cos30° = AM =AM = £—3 =x.
A'M 2 2

Theo gia thuyét S, = %A’M.BC =8= %xz o x=4.

2
4;/3:4\/3.

Dién tich day: B =

!

. AA
Xét tam giac vudng A'AM ta co: tan30° = 7 — AA'=1an30°.2y/3=2.
Vay thé tich khéi lang tru da cho 1a: V' =432 =83.
Cau 36: (THPT Chuyén Vinh Phtc-Ian 2-ndm 2017-2018) Cho hinh nén (N) c6 dudng sinh tao véi day
mot géc 60°. Mat phang qua truc cta (N) cat (N) dugc thiét dién 13 mdt tam gidc c6 ban kinh
dudng tron ngoai ti€p bang 2. Tinh thé tich ¥ cha khéi nén (N)

A. V =33x. B.V =9r. C. V=3 D. V =937

Loi giai

Chon C

Goi SAB 1a thiét dién qua truc cta hinh nén
Tacd ASAB déunén SO = %R ,v6i R 1a ban kinh duong tron ngoai tiép ASAB .

:SO:%.2:3; AB:isozzﬁ.

NE)
AB

2
Khi d6 thé tich khbi nén ¥ = %”(7) SO =37 (dvtt).

Cau 37: (THPT Quang Xwong-Thanh Hoba-lan 1-nam 2017-2018) Cho hinh chép S.ABCD c¢6 day 1a
hinh vuéng canh a, S4 vudng goc véi diy, SA=a. Diém M thudc canh SA sao cho



i—]‘j =k, 0<k<1.Khi d6 gia tri cia k dé mat phang (BMC) chia khoi chép S.ABCD thanh
hai phan c6 thé tich bang nhau la:

~1++/5 1++/5 —1++/5 —1+/2

A k= . B. k= . C. k= . D. k= .

4 4 = 2 2
Loi giai

Chon C

Goi giao diém cla (BMC) véi SD la N, khidédo BC// AD nén

(BCM )N\(SAD)=MN // AD// BC M _SN_y
S4  SD

Goi V' la thé tich ctia khdi chop S.ABCD, V| la thé tich ctia khéi chép S.BCNM , V, la thé tich cla

khéi dadiénconlai.Tacd V, +V, =V =V, =V, =%.
Ma ¥, =V ywe + Vs ave » mat khac Vsne _SM _ 1 Ve =kVs ine ey
' ' VSAABC SA ‘ ' 2

va Vs e _S_M S_N_ 1

. =k =V, =KV, =—kV.
V. .. A SD S.MNC 5.4DC =

%4 145

=V =L k) -Lork-1=0=k- .
2 2 2

Cau 38: (THPT Binh Xuyén-Vinh Phiic-nam 2017-2018) Cho khéi chop S.4BCD c6 day la hinh thoi
canh bing 2a+/3, goc ABC =60°. Goi M la trung diém cta canh CD, hai mat phing (SBD)
va (SAM) cung vuéng gbc véi mit phing day. Biét thé tich khdi chép do bang 2a°\/3. Tinh
khoang cach d giita hai duong thang AC va SB.



Chon D

Tacod S, =28 50 =2-

'BA'BC'SiIIzTBE220\/5‘261\/5‘?:6\/7612.

1
2
(SAM ) L (ABCD)
Do {(SBD) L(ABCD) = SE L ABCD.
(SAM) m(SBD) =SE
Vay SE chinh 1a chiéu cao ciia khbi chép S.4BCD va tir d6 suy ra
o Vosen _ 3243 _

S i5cp - 6\/5‘12 ¢
Qua B ké duong thang song song véi AC . Khi do, AC//(SBG).
Do d6, tac6 d (AC, SB)=d(AC, (SBG))=d (O, (SBG)).
Trong tam giac SEG, tu E ké EH vudng goc SB.
SE 1 BG
Do < EB 1 BG = BG L (SEB)=(SEB) L(SBG)= EH L (SBG).
SENEB :{E}

Véay EH chinh 1a khodng cach tir E dén (SBG).

Tam gidc ABC déu, canh bing 2a/3 nén suy ra OB = Zaﬁ-g =3a= BD=6a.

Do EB=§BD:EB=§'6a=4a.

Do EO(SBG)={B}= d(E, (SBG)) _d(0, ($BG))

EB OB
BO.d(E, (SBG
=d (0, (SBG))= (. ( )):3EH
EB 4
Mit khic, ta 06 —— = 41 1 _ 172:>EH:4\/ﬁa_
EH® SE° EB° a° 16a” 16a 17

_3EH  3a

4 17

Vay d(AC, SB)=d (O, (SBG))



Cau 39: (THPT Binh Xuyén-Vinh Phiic-nam 2017-2018) Cho ling try tam giac déu ABC.A'B'C’ ¢6

canh ddy bang 2a, khoang cach tir 4 dén mit phing (4'BC) bang # . Khi d6 thé tich khoi
lang try bang:
A a’. B. 3a’. C. ia3. D. Mcf.
3 3
Loi giai
Chon B

Goi Kla trung diém BC, dung AH 1L A'K (HeA'K). Ta co AHJ_(A'BC), suy ra

a6
d(A;(A'BC)) =AH = T :

Tam giac ABC déu, c6 duong cao 4K :g.Za =a\3.

Xét tam giac AA'K vuong tai A, duong cao AH .

1 1 1 4 1 1
Ta co: = - = e e s Ad =a\3.
AA?  AH?* AK* 64* 3a* 3a°

Thé tich khéi lang tru: V = 44'.S . = a\/g.g.(Zaz) =3a’.

Cau 40: (THPT Ngo Si Lién-Béc Giang—l\én 1-nam 2017-2018) Khoi da dién déu loai {p;q} duwoc sap xép

theo thi tu ting dan cla s6 dinh I3

A. {3;3}, {3;4}, {5;3}, {4;3}, {3;5}. B. {3;3}, {4;3}, {3;4}, {3;5}, {5;3}.

Loi giai
Chon D
Goib la téng sb dinh, C 1a téng sb canh, M 1a téng s6 mat cua khéi da dién déu loai { p;q} .
Tacd: pP=nM =2C . Cu thé:
p=34=3 pM

@ Xét tir dién déu loai {3;3} = =p=PM_y oM _¢
M=4 q 2

. 5 =4;9=3
@ Xét khoi 1ap phuong déu loai {4;3}:{; 6q :DZMZS;C:TZQ_
= q



, \ =3;g=4
® Xét khéi bat dién déulogi {34} =17 "> 917 L p P g 0 PM 5.
M =8 q 2
. ) =5,9g=3
® Xét khéi muoi hai mit déu loai {5:3) =17 > 97 o p=PY _po c=PY 3.
M =12 p 2
. \ =3,9g=5
® Xeét khéi hai muoi mat déu loai {3:5) =17 > 17 5 p=PY 5 09 5.
M =20 p 2

Viy taco se'ip xép: {3;3}, {3;4} , {4;3}, {3;5}, {5;3}.

Cau 41: (THPT Ng6 Si Lién-Bic Giang-lan 1-nam 2017-2018) Cho hinh chop S.4BC c¢6 déy ABC 1a tam
giac vuong cdn, AB=AC=a, SC L (ABC) va SC =a.Mét phang qua C, vudng géc véi SB cat
SA, SB lanlwottai E va F . Thé tich khéi chép S.CEF 1a

3 3 3 3
A. V2a . B L. C. V2a . p. L.
12 36 36 18
Lovi gidi
Chon B

A

Tam gidc vudng SCA c6 SC = CA = a nénlatam gidc vuéng can & C.

Tacé AB L AC va AB 1 SC suyra AB L (SAC)suyra ABLCE. (1)
M3t khac theo gia thiét SB L (CEF )= SB L CE . (2)

Tl (l) va (2) suy ra (SAB) 1L CE=CE 1L SA.Do dé E latrung diém cta SA vi tam gidc SCA

vubng can & C.

2
Trong tam gidc vudng SCB ¢6 SC* = SF.SB < SC2 zg.
SB~ SB




2
a —_—

Vserr _SE SF _1 8C* 1 1
2°d*+24> 6

T dotaco === —=T.
Vecus SA SB 2 SB

3
a

1
=>Vscwr = g Vscas = 36"

1
—aaa=
2

W | =

1
o
Ciu 42: (THPT Nguyén Dttc Thuan-Nam Dinh-lan 1-nam 2017-2018) D4y cta hinh ling tru ding

tam giac ABC.A'B'C’ 1a tam giac déu canh a =4 va biét dién tich tam gidc 4'BC bang 8. Thé
tich khi lang try 1a

A. 243. B. 443. C. 83. D. 164/3.
Loi gidi
Chon C

A '

\\

Dién tich dy S, ,c = 3> 4* =43 .

%

a3

Goi H la trung diém ctia BC, suyra A'H 1 BC va AH == = 23

< L1s I, , 2
Matkhac SAA'BCZEAH‘BC :AH:ES A’BC=4'

N

Trong AA'AH vudngtai A,tacd AA' =~ A'H* —AH> =2
Do d6 thé tich lang tru1a ¥ =2.44/3 =83 .
Cau 43: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Hinh hdp chit nhat ABCD.A'B'C'D’ c6
AB = a, géc giita dudng thing B'D véi mit phéng (ABCD) va mit phang (ABB’A') [an lwot bang
30° va 45°. Tinh thé tich khéi hép ABCD.A'B'C'D" .

A. \Eas. B. \/§a3. C.24°. D. 3a°.

Loi giai
Chon A



=

B!

B
C
Ta c6: B'B L(ABCD)=> B'B L BD. Tl d6 suy ra géc giita B'D va mit phang (ABCD) chinh 1a goc

B'DB = B'DB =30°
Tac6 DA L (ABB'A')=> DA L AB'.

Viy goc gilta B'D va (ABB'A') 1a goc AB'D . Viy AB'D =45°.

2 2 2
—BD=2,]" ;" .

Mat khac, xét trong tam gidc B'AD c6 B'D =x~/2 (vi tam gidc vudng cin).

bit AD=x (x>0)= BD=+a’+x".

Xét tam giac B'BD c6: B'B = BD.tan30° =

Suy ra: 2

f@ —a*+— x—2x<:>§x——a<:>x ax/i

2
Do d6: B'B = \/ +a _\/Za ra’ =a
3 3

Vay: V = aaa2 =24
Cau 44: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho lang tru ding ABC.A'B'C' ¢ tat ca céc
canh déu bang a.Goi M latrung diém canh AC, « la gbctao bdi duwong thing C'M va mit phang

(ABB'A').Tinh gid tri sina.

A. sinazi B. sina:i. C. sinazz. D. sinazﬁ.
7 17 5 10
Loi giai
Chon D
Al B
N D P
f‘ C'

AT‘ - == e B
it koo Q

[T}

Goi N, P, Q, D lan luot 14 trung diém ctia cac canh 4'C’, B'C', BC, PN .
Khi d6 ta c6 (MNPQ)||(ABB'A’) nén géc gitta C'M va (ABB'A') bing goc gilta C'M va (MNPQ).



Mit khac ta c6 AC'NP déu (vi c6 ba canh bang nhau) nén C'D L NP, lai c6 C'D L MN nén
C'D L(MNPQ), suy ra C'MD = q.

Ta c6 C'Dla dudng cao tam giac déu AC'NP nén C'D = %? = #.
a3

Hon nita MD:x/MN2+ND2:ﬁ. Do dé sinCmD=2C - 4 _ V3 =*/E.
2 MD a5 245 10
2

Cau 45: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Tinh thé tich khoi chop t& giac déu cé

canh day bang 2a va dién tich cha mot mét bén 13 aZ\/E.

3 3 3
A. 4"‘/5. B 2 C. 4d°. D. 4“\/5.
3 3 3
Lo gidi
Chon B

Goi O 1a tdm hinh vuéng ABCD, M la trung diém cla BC.
Chép t& gidc déu cd tat cd mat bén 1a cac tam gidc cdn nén SM L BC.
2
Khi d9, ta tinh dugc: SM = 2Suspc _ 24 V2 a2 .
BC 2a

Tacé: OM //CD, OM =% =a . Ap dung dinh ly Pi-ta-go trong tam gidc SMO, ta tinh duoc:

h=S80=~ISM*—OM? =\2d*—d* =a.
A 1 1 »  4d’
Vayr VSABCD :gh.Sd :E(l.(z(l) :T.

Cau 46: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Cho hinh chép S.ABCD c6 day la hinh
vudng canh bang a, hai mat phang (S4B), (SAD) cung vudng goc vd&i day, SC tao vai day
mot géc bang 60°. Tinh thé tich khéi chép S.4BCD theo a.

a3\/§ a3\/€ 2a3\/€ 4a3\/g

A. . B. . C. . D. .
3 -3 3 3

Loi giai




Chon B

Ta c6 SA L (ABC)= SCA=60°= SA = tan 60°.AC = a\/6

Do d6 thé tich khdi chép S.ABCD 1a V = %SABCD SA= %.az.a 6=

a*\J6
s
Cau 47: (THPT Tam Phudc-Dong Nai-lan 1-nam 2017-2018) Cho t& dién SABC c¢6é day ABC la tam
giac vudng can tai 4, dudng cao SA. Biét dudng cao AH cla tam gidc ABC bang a, géc
gitta mit phang (SBC) va mat phang (4BC) bang 60°. Tinh thé tich khéi t& dién SABC

theo a.

3 3 3 3
A.“‘/g. B, “Y3 ¢, 246 p. V2.

3 3 3 3

Loi giai
Chgn A
S
c

B

Taco BC L(SAH)=> SHA=60°=> SA = tan 60°.AH = a6

3
Do d6 thé tich khéi chop S.4BCD 1a ¥/ :%SABC.SA =%.(%a.20j.af -4 ;/g.
Cau 48: (THPT Tam Phuéc-Dong Nai-lan 1-nam 2017-2018) Cho lang tru ding ABCD.A'B'C'D' c6

day ABCD 1a hinh binh hanh. Cac dudng chéo DB’ va AC' lan luvot tao véi day cac géc 45°
va 30°. Biét chiéu cao cta ldng tru la a va BAD = 60°. Hay tinh thé tich V' cla khéi 13ng tru
nay.

3 3 3
A.V:‘“E. B.V=a'\3. cr=2. Q.V:a\/g.

3 2 2

Loi gidi

Chon D



y =
o

C === \D

Dé cho hinh ling try dimg = cac canh bén vudng goc véi hai déy va la duong cao cua hinh

lang tru.
Do do: (DB';(ABCD))=B'DB =45°; (AC';(ABCD)) = C'AC =30°.
ABDB' vubngtai B: BD = DD _

tan 45°

ACAC' vudng tai C: AC = €C__.3.
tan 30°

Trong tam giac ABDta co:

2 2 ° _ 2
AB”+ AD” —=2AB.AD.cos60° = BD {ABZ+AD2—AB.AD=02
L

2 2 2 & AB=AD=a.
A02=AB +4D”  BD AB® + AD? =242
2 4
2
Suy ra: AABD déucanh a.Do d6: S, =285 ., :#.
3
Vay thé tich khdi lang try can tim 1a: ¥, :ﬁ'

Ciu 49: (THPT Chuyén Hung Vuwong-Binh Phwéc-1an 2-nam 2017-2018) Cho mét hinh hép chir nhat
ABCD.A'B'C'D’ - Trén cac canh 44, pp', CC' ldy lan luot liy ba diém y, y, zsao cho
AX =2A'X » BY = B'Y » CZ =3C'Z - Mit phing ( XYZ) cit canh ppy 6 tai diém 7. Khi do ti
s6 thé tich cua khdi xyzT 4BCD vakhdi xyzT 4'B'C'D' bing bao nhiéu?

A L. B. . c. 17, p. 17,

24 17 7 24
Loi giai
Chon C



B
Xét mat phang qua g7 va song song mit phang (ABCD) cat cac canh 44', BB', CC'» DD'

lan luot tai M, N, P, Q. Khido, hai mat phang (XYZT) ; (MNPQ) cung véi cac mat bén
ctia hinh hdp chit nhat giéi han nhiing khéi da dién bang nhau va ddi xing nhau qua diém z7.

Khi do, ¥,

"B'C'DXYZT VA’B’C'D'MNPQ .

Ta co6: (MNPQ)//(ABCD) nén Vescommeo _ EH hay Vivzrasen _ HF.
EF Visconzr  EH

A'B'C'D'ABCD
Xét hinh thang 4'x7zC’ c¢6 dudng trunh binh gz nén EH = AX+CZ - iEF .
2 24
Do do HF=£EF hay ﬁ:l
24 HF 17
Véy VA'B'C'D'XYZT :H .
VXYZTABCD 7

Cau 50: (THPT Chuyén Hung Vwong-Binh Phwéc-Tan 2-nim 2017-2018) Cho khéi hop chit nhat
ABCD.A'B'C'D’ ¢6 thé tich bang 2016. Thé tich phan chung cua hai khéi 4 p'cp’ va
A'BC'D bing
A. 1344, B. 33e6. C. 672. D. 168.
Loi giai
Chon B



z°

Goi E, F, M, N, P, O lan lugt la giao diém ciia AC va BD, A'C' va B'D', AB' va A'B,
BC' va B'C, CD' va C'D, AD' va A'D.
Phan chung ctia hai khéi A.B'CD’ va A'.BC'D lakhbdi EFMNPQ .
Thé tich khdi EFMNPOQ la:
Vermro = Ler Sywro = Ler Suwro = lEF.lsABCD ~L2016=336.
3 3 3772 6
Cau 51: (THPT C6 Loa-Ha Ngi-Iin 1-nawm-2018) Cho hinh ling tru ABC.A'B'C’ ¢6 d6 dai tat ca cac
canh bang a va hinh chiéu vudng goéc ciia dinh C 1én mit phang (ABB'A') la tdm cua hinh
binh hanh ABB'A’ . Thé tich khdi ling try ABC.4'B'C’ tinh theo a la
a*\2 a*\2 a3

A. . B. . C. 3. D. .
=y 12 a3 4

Loi giai

Chon A

Goi O la tdm cua hinh thoi ABB'A’.

Theo gia thiét suy ra CO L BA' hay tam gidc CBA' can tai C.
Tuong ty tam gidc CAB' cantai C.

Do d6 C.ABB'A’ 1a hinh chop tir giac déu, canh bang a.

2
Taco CO=+CA* - 40* = aZ_(a‘/EJ :a\/f.

2 2




a\/ich\/z

2 6

e 1 1
Khi @6 VC‘ABBVAV ZESABBVAV.CO =§a2.

Tacd Ve ype ZEVABCAA'B'C’ nen Ve yppy = EVABCAA'B'C’ .

3
Do dé 7, 3y V2

BC.ABC ~ C.ABB'A —
2 4

Cau 52: (THPT Cé Loa-Ha Noi-lan 1-nawm-2018) Cho hinh chép S.ABCD c6 déy 1a hinh vudng canh
a, mit bén SAB 1a tam giac ddu, SC=SD =a~/3. Tinh thé tich ¥ cua khdi chép S.4BCD

theo a.
3 3 3
A.Vzaﬁ. B.v=2_. C.V=a2. p.y_aY3
6 6 3
Loi giai
Chgn A

Goi M, N lan luot 1a trung diém cua AB va CD, H 1a hinh chiéu cia S trén mat phéng
(ABCD).

. AB 1L SM
Khi d6 = AB 1 MH . Suyra H € MN .
AB 1 SH

2
Ta c6 SM:%, MN =a, SN =+/SC*—NC* = /(aﬁ)z—(%j - “*éﬁ.

2
Suy ra S,y :\/p(p—ﬁj(p—a)(p—ﬂJ =4 2 v6i p la ntra chu vi tam giac SMN

2 2 4
R
va p= % (Cong thirc Hé-rong).
2
Suyra S, = \/p[p— af}(p—a)(p— a\éﬁ] =2 ;/5 voi p 1a nira chu vi tam gidc SMN
—a\/g +a+ ay1l
va p=—2 2 (Cong thic Hé-rong).

2



. 2 2
Khi @6 duong cao SH = Sow _Z 4 _ av2 .
MN a 2

Dién tich day S ., =a’.

2 ‘. 1 1 2 V2
Thé tich khdi chop V. ipep =3 SH S scp = - “*2/_ a =2 g/_ .
Cau53: (THTT S6 3-486 thang 12 nam 2017-2018) Xét khéi t&r dién ABCD c6 canh AB = 2\/5 va cac canh
con lai déu bang x. Tim x dé thé tich khéi t& dién ABCD bang 22,

A.x:\/g. §.x22\/§. C.x:3\/§. D.sz\B.

Loi gidi
Chon B
Cich 1: Goi M 14 trung diém ctia CD va H 1a hinh chiéu ciia 4 trén BM .
CD 1L AM;CD 1L BM = CD L (ABM) => AH 1 (BCD).

bat AMB =« suy ra sina:A—H :AH:sina.ﬁ.
AM 2

2
Visco :%AH-SBCD Z%SiHO{%.x \/5 :2\/5 =sin‘g = S12

4 Xt
A
5 | |
D '; |
R | .
c y e ]“[ """"""" *B a M i
2 2 4p2
Xét tam gidc AMB tacod: cosa = AM” +BM”— 4B :1—%.
2AM .BM X
512 8 Y ‘
Ta dugc phuong trinh: ——+| 1-— | =1. Gidi phuong trinh ta dugc x = 22
X X
. . [cDLam
Cach 2: Nhan xét: =CD 1l (ABM)
D 1 BM

1 2 2 1
Viser =2V ypep = Z'EVBNCD = EBN'SDNC = E\/g(EMNDCj

DN =+ AB? — AN? =/x* =3

=i 0]

trong do
DN* —DM*



r\’ 2_
—£.¥.x=2\/§:>x=2\/§.

VABCD - 3

Cau 54: (THTT So 3-486 thang 12 nam 2017-2018) Cho t& dién déu ABCD c6 canh bang a.Goi M, N [an
lwot 13 trong tAm cla cac tam gidc ABD, ABC va E 13 diém d6i xirng v&i B qua diém D . Mat
phing (MNE) chia khéi t dién ABCD thanh hai khéi da dién, trong d6 khéi da dién chita dinh 4
c6 thé tich V. Tinh V.

3 3 3 3
A.‘“/E. B.3‘“E. C.3‘“E. D.9‘“E.
96 80 320 =320
Loi giai
Chon D

Thé tich khoi t&r dién déu canh a la

a2
12

Goi P=MENAD; T = ME N AB. Trong mit phing (ABC) duong thang TN cit AC,BC
lan luot tai O, F . Khi d6 mt phang (MNE) chia khdi tir dién da cho phan chira dinh 4 1a tu

dién ATPQ.
Goi I la trung diém BD . Xét AAID ta co: @.—I.ﬁzl (dinh 1y Menelaus):ﬁz?a.
EI MA PD PD
Tuong tu ta co: %=3
C

Xét AAIB taco: E.E.@zl @T—zg

EB TA MI 74 3

V 3 3
Mt khéc ta co; ¢ = AL AP AQ 333 _27 4 274 V2 _9a32

Visen AB AD AC 5 4 4 80 80 12 320

Cau 55: (THPT Chuyén Lé Hong Phong-Nam Dinh-lan 2 nam 2017-2018) Cho hinh chép S.ABCD c6
day ABCD Ila hinh binh hanh thod man AB=a, AC= a\/g, BC =2a . Biét tam gidc SBC can tai

. . . 3 .
S, tam gidc SCD vuéng tai C va khoadng cich tr D d&n m3t phang (SBC) bang %. Tinh thé

tich V' cla khai chép d3 cho.

A V_2c13 a a




Chgn A

Tacd BC* = AB* + AC® = AABC vudng tai 4.
CD 18C
CD 1 AC
Ké SH L AC, He AC = SH 1(ABCD).

o . BC 1 SK
Goi K la trung diém BC.
BC L SH

}: CD L(SAC) = (SAC) L(ABCD).

= BC L (SHK)= BC L HK .

K¢ HI L SK,(IeSK) = HI L(SBC) = d(H;(SBC))=HI .
AD // (SBC) = d(4;(SBC))=d(D;(SBC)).

ACKH~ACAB(g.g):>HK=CH=CK=L:>HCZZAC:2a\/§, oK =%
AB BC C4 3 3 3 NE)
d(4:(SBC)) 4C 3 203
== =2 S HI= .
d(H;(SBC)) HC 2 9
1 1 1 1 81 3 15 2
2= Tt e e 2__2:_2:>SH:_a'
HI> HK> SH®  SH® 12&° & 4a J15
. . 1 2a 2a°
Thé tich cAn tim1a V =——— >3 =——.
315 33

Cau 56: (THPT Chuyén Lé Hong Phong-Nam Dinh-lin 2 nam 2017-2018) Cho khéi try dirng
ABC.A'B'C’ c6 déy la tam gidc déu. Mat phang (A'BC) tao v&i day mot goc 30° va tam gidc
A'BC c6 dién tich bing 8a” . Tinh thé tich ¥ cta khdi 13ng tru d3 cho.
AV =83a. B. V =234, C. V=643’ D. V =1634".
L& gidi

Chon A



Goi H latrung diém BC = AH 1 BC.

AA4' 1 (4BC)

Ta lai co:
Cc (ABC)

} = BC 1 A4
= gbc gilra (A'BC)vé (ABC) la 30°.

AH = x+3
Goi BC =2x, theo dé ta co: xf = A'H =+ AA? + AH* =2x.
AA' = AH tan (30°) = x

Sy ipc =8a° :>lBC.A'H =8a’ :>l.2x.2x= 8a’ = x=2a.
2 2

Vaythétichcantim: V' =S, ,,..4A4" = ((441)2 .g}.Za =83d*.

C3u 57: (SGD Vinh Phtic-KSCL Ian 1 nam 2017-2018) Cho hinh chép S.ABCD c6 day Ia hinh thang vudng tai A
va D; SA vubng gc véi mitddy (ABCD); AB=2a, AD = CD = a. Géc gitta mt phang (SBC) va
mat day (ABCD) la 60°. Mt phang (P) diqua CD vatrongtam G cuatam gidc SAB cét cac canh
SA, SB lanlwottai M, N .Thétich V' cla khéichép S.CDMN theo a la

264’ _ 764’ 14+/34° 7.6

3
AV = . B.V : C.V= : . v = N8
9 81 27 27
Loi gii

Chon D



, {G e(P)N(S4B)
Ta co:
CD // AB

Suy ra: giao tuyén cia mét phang (P) va mit phang
(SAB) 1a MN /I AB /I CD.

Taco: — M _5G_2 (d MG /| AB).

sS4 SE

Mat khac, ta co: S—N:& 2

SB SE 3
VSMCD _ S_M

2
S4 3

v Vs mep = EVS.ACD .
5.4CD

2

VS ABCD — 9 I/TS'.ABCD .

wl»—‘

1 1 2
Sep =Suzc =Sgpc = ESABCD hay Vs acp ZEVS.ABCD = Ve = E

Vsame SM SN _4 4 2 8
Vs.acs SA SB 9 §.MNC = EVSACB - E'EVSABCD = EVSABCD .
2 8 14

VS MCD VSMNC = EVSABCD + 2_7VS.ABCD < VSCDMN = 2_7VS.ABCD .
Goi E 1a trung diém cua AB . Xét tt giac ADCE ta co:
AD=CD, AE /| CD, AE =CD nén ADCE 1a hinh vuéng nén CE =a = %AB

hay tam giadc ACB vuong tai C. Suyra AC L CB.
Mit khac BC L S4 nén BC L (SAC). Do d6 ((SBC),(ABCD))=60°.

tan60°:%<:>SA:a\/§.x/§:ax/g.

o AB+CD).AD 3a® 1 3a _a\e
Mat khic S, :% =——nen Vg e = ESA 4BCD = \/_ 5
. 14 14 a6  a’76
Vay Vs couv :E 5.4BCD :E' B = 27

Cau 58: (SGD Vinh Phtc-KSCL 1an 1 nam 2017-2018) Cho hinh ling try ABC.A'B'C’ c¢é mit day la tam
gidc déu canh 4B = 2a. Hinh chiéu vuéng géc ctia A’ 1én mit phang (ABC) trung véi trung diém H
cla canh AB. Biét géc gitta canh bén va mat ddy bang 60°. Tinh khoang cach gitra hai duwong thing
chéo nhau BC va AA' theo a.



A 2a\/i ax/g C 2+15a a@

. B. C D.
7 5 5 13
Loi giai
Chon C
z

A’ ¢
B!

609

Al . y
H
B

X

Theo dé ra ta c6: (AA’;(ABC)) = A'AH = 60°.

Chon h¢ truc toa d0 Hxyz nhu hinh vé.

Tam gidc A'HA vuong tai H: A'H = AH.tan60° = a/3 .
Tam giac ABC déu canh 2a = CH = a3

Tacé: 4(-a;0;0), B(a;0;0), C(0;av/3;0), 4'(0;0;a4/3) .
AA =(a;0;ax/§), BC =(—a;a\/§;0), AB =(24;0;0).
[ﬂ,ﬁé] = (—3412;—a2 3;a2\/§) ; [ﬂ,ﬁé}@ =—6a’.
‘[E’EG]ZE‘ B 6a’ 2a\/ﬁ

‘[ﬂ;ﬁ@]‘ N

d(A4;BC) =

C4u59: (THPT Luc Ngan-Béc Ninh-Ian 1 nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la hinh

§ ., I 4 N
vudng tam O.Goi H va K lan lugt |a trung diém cla SB, SD . Ty s6 thé tich —4%K_ hang

S.ABCD

A —. B

L C
12 6

S

l
e
Loi giai



B"

Vi H va K, O lan lugt 14 trung diém cua SB va SD, BD nén S, :ism
1 1 1 V 1
Suyra V,op = ZVAASBD = Z Vs.asp = gVSAABCD = V;ZICK; = g .

Cau 60: (THPT Luc Ngan-Béc Ninh-Ian 1 nam 2017-2018) Cho ling try ABC.A'B'C’ c6 day la tam giac
vubng cantai B, AB = a\/§ . Hinh chiéu vuong géc cia A’ 1én méat phang (ABC) 13 diém H thudc

canh AC saocho HC =2HA . M3tbén (ABB'A") tao véi ddy mot géc 60°. Thé tich khéi lang tru la:

a’ a’ 3a’ 3a’
A —. B. —. c.—. D. —.
6 3 5 2

L& gidi

Chon D

B

2
Tam gidc ABC vuéng cantai B, AB=a+/3 = BC va = N =3%.

Taco (ABB'A') tao vdi day mot géc 60° 13 ATH = 60°, voi IH // BC.

Suyra A'H :IHtan60°:%BC.\/§ —a=h.



. ’ 3a’
Vay thé tich khai 13ng tru 13: Ve e = Sy e = %
Cau 61: (THPT Triéu Son 3-Thanh Héa nam 2017-2018) Cho hinh hgp chit nhat c6 d¢ dai duong chéo

cuiia cac mat lan luot 1a \/g , \/ﬁ , \/E . Tinh thé tich cua khoi hop da cho.

A.V:@_ B. V =8. C.V=6. D.V=4.
Loi giai
Chon C
A . D
B ¢
/, A'E, ________________ 3
I //, ) //7//4 DI
B’/ C'

Gia sir hinh hop ABCD.A'B'C'D’ ¢ d6 dai dudng chéo cac mit bén lan luot 1a
AB' =+/5, BD' =10, AD'=13.
bat 44'=x, AB'=y, AD' =z (x,y,2>0).
Ap dung dinh 1y Py-ta-go cho céc tam giac vuong A'AB’, A'B'D', A'AD' ta c6 hé phuong
trinh:

*+yt =5 x*=4 x=2

x +z°=13 . Suyra<y’=1={y=1(vi x,y,z>0).

y2+22=lO z2=9 z=3

Viy thé tich khéi lap phuong 1a V' = xyz = 6.

Cau 62: (THPT Triéu Son 3-Thanh Héa nim 2017-2018) Cho hinh chop t&r gidc déu S.ABCD c6

SA=a vi SAB =%. Goi Q la trung diém canh SA4. Trén cac canh SB, SC, SD lan luot

liy cac diém M , N, P khong tring véi cac dinh ciia hinh chép. Tim gia tri nho nhét ciia tong
AM + MN + NP + PQ theo a.

117z 117

a2 sin—— a~/3 sin——
A oa g a3 c. V2 p. Mg
3 2 4 3

Chon B



\ y , .y A A X. o A A N , ., A . I 1 172'
Do hinh chép tir gidc déu nén moi mat bén deu 1a cac tam giac can, theo gia thiét SAB = ey

nén Z@:ﬁ—zz—ﬂzﬁ (1)

24 12
Cit hinh chop theo canh bén SA4 rOi trai cc mat bén thanh mot mat phéng ta dugc hinh v€ nhu
trén sao cho khi ghép lai thi 4= A4’. Khi d6, tong AM + MN + NP+ PQ 1a tong cac dudng gip

khiic nén tong nay nhé nhét néu xay ra cac diém 4, O, M, N, P thang hang. Dong thoi theo
(1) tacd ASA = 4.% =% (2) suy ra tam gidc SAA4'1a tam gidc déu.

a3

Vay AQ = % hay gia tri nho nhét ciia tong AM + MN + NP + PQ = 5




Cau 1: (THPT Triéu Son 1-1an 1 nam 2017-2018) Cho hinh chop tam gide S.ABC c6 ddy ABC 1a tam
gidc déu canh a, S4=a va SA vudng goc v6i mit phﬁng(ABC ) Goi M va N lan luot 1a
hinh chiéu vudng goc cia A trén cac dudng thing SB vaSC. Thé tich ¥ cua khéi chop
A.BCNM bang

3 3 3 3
A."‘/g. B."‘/g. C."‘B. Q.“\/g.
12 48 24 16

Loi giai

Chon D

B

1 az\/g B a3\/§

Thé tich khdi chép S.ABC 1a V. .. =—a. =
P s.4BC =3 4 12

Do SA=AB = AC = a nén cac tam giac SAC,SAB can tai A.
Theo d& bai M, N 1a hinh chiéu ciia 4 trén SB, SC nén M, N lan luot la trung diém SB,
SC .

N 4 SM.SN 1 1 a’\3
Khi do: VS'AMN = SBSC :Z: S.AMN :ZVSAABC :T-
S.4BC "

7B BB

Vay thé tich khdi chép 4.BCNM 1a V =V, =V =
ay P A.BMNC 5.4BC — Vs aMN 12 48 16

Cau 2: (THPT Triéu Son 1-Iin 1 nim 2017-2018) Cho hinh chép tir giac déu S.ABCD c6 canh day
bang 2a, goc giita mit bén va mit day bang 60°. Goi M, N lan luot 1a trung diém cia cac
canh canh SD, DC . Thé tich khéi i dién ACMN la
A. “3*/5. B. L. C. “3‘/5. D. “3*/5.

4 8 6 2
Loi giai

Chgn C



Goi O la tam cua hinh vuéng ABCD.
Goc giita canh bén (SAB) va mit day 1a goc SNO = 60°.
Xét tam gidc ASNO, ta cd SO = NO.tan 60° = a~/3 = a /3.

Lai c6 M la trung diém ciia SD nén d(M,(ABCD)):%d(S,(ABCD)):%SO:#

1 1

N la trung diém ctia CD nén S, . :ZSABCD =Z4a2 =a’

1 lax/gaz_cf\/g

Do d6, thé tich khéi MACN 1a V,, . =—.d(M,(ABCD)).S, . =
o d6, thé tich khoi a 3(( ))ACN32 .

MACN

Cau 3: (THPT Triéu Son 1-lan 1 nam 2017-2018) Cho t&¢ dién ABCD cb AB=AD=a\/5,

BC=BD=a va CA=CD =x.Khoang cach tir B dén mt phang (ACD) bing # Biét thé

3

tich ciia khéi tir dién bing “Y> . Géc giita hai mat phing (ACD) va (BCD) la

A. 60°. B. 45°. C. 90°. D. 120°.
Loi giai
Chon C
A
B D
O'
()
C
Goi H la trung diém canh CD va K 1a trung diém canh AD.
1 3V

Taco Ve :ESACD'd(B’(ACD)) © Saco :m

3
@%AD.CKzM \/5 L oV2xX'—a'=a o x=a

12 a3



Tam giac ACD ¢6 CA=CD=x=a; AD=a2 = tam giac ACD vudng céan tai C
— HK 1 CD va HK:%.

Mi: BC=BD = BH L CD nén ((ACD),(BCD)) = BHK

Mat khac

2(A4B*+BD*)- AD’
4

Tam gidc ABD c6 BK’* = =a’ =>BK=a.

a3

Tam gidc BHK c6 BH = n HK =§ va BH’ + HK® = BK*

=>tam gide BHK vuong tai H = BHK =90° hay ((4CD),(BCD))=90°.

Cau 4: (THPT Triéu Son 1-Iin 1 nam 2017-2018) Cho hinh chép tir giac déu S.ABCD c6 canh day
bang 2a. Mit bén cia hinh chodp tao v6i mat ddy mot goc 60°. Mit phang (P) chira 4B vadi
qua trong tAm G ciia tam gidc SAC cat SC, SD lan luot tai M va N . Thé tich khdi chop

S.ABMN 1la
3 3 3

A-aﬁ- B.aﬁ- C.aﬁ- D. @’\3.
2 4 3

Chon A

Goi H la trung diém canh CD va O 1a tim hinh vuéng ABCD .
Tacd S.ABCD 1a hinh chop tir gidc déu nén cac mit bén hop voi day cac goc bang nhau

Gia sit ((SCD),(4BCD)) = SHO = 60°

Tam gidc SHO vudng tai O c6 SO = OH.tan60° = a/3.
3
Vs.ascp ZS'SABCD'SO = 4613\/5 .
(P)N(SCD)=MN
Mit khéc: | AB < (P),MN = (SCD) = MN //CD// AB
AB//CD

Ma G la trong tam tam gidc SAC nén G ciing la trong tdm tam giac SBD = % = % = %



Veasu _ &
Viise  SC

Vs _SM SN, :iy Ly,

VSACD SC . SD SAMN SACD — g SABCD

o 11 3 a*\3
Khi d6 Vi, = (Z +§J Vssep = gVSABCD = T
Cau 5: (THPT Chuyén Vinh Phtic-MD 903 Ian 1-nam 2017-2018) Cho hinh chop tir gidc S.ABCD

day 1a hinh binh hanh c6 thé tich bang ¥ . Lay diém B’, D' lan luot 1 trung diém ctia canh

SB va SD.Mit phing qua (AB'D') cit canh SC tai C’. Khi d6 thé tich khdi chép S.AB'C'D’

Ta 13.1 co VSABM = E VSABC = Z VSABCD

bang
3
A.K Bz—V C.V—. Q.K.
3 3 3 6
Chon D

Goi O 1a giao diém cua hai duong chéo AC va BD thi SONB'D' = H.Khi d6 H 1atrung
diém cta SO va C'= AH N SO.
Trong mit phang (S4C): Takeé (d)//AC va AC' cét (d) tai K. Khi d6 4p dung tinh dong

dang cuia cac tam giac ta co : O_H=%=1:SK=0A:>S_K21;
SK AC 2

SK_sc_1.5C_1

AC cC 27 sc 3

‘ | V. o Vipn SA SB' SD 1 L
Vi Vs iop =Vssen =5_VSAABCD =7 nén ta co ﬁ:Q.E.EZZQ v, ng w“
Viwer _SB" SC' SD' 1 8C" _,, ~_SCV

VSABCD SB SC SD 4 SC S.B'C'D' SC 8 .
Suyra Vs e =V azr Vs g =§ +§_§:§(1 §j=g
Luu § :C6 thé sir dung nhanh cong thie o 4 5 - 58 , 5D

SA' SC' SB' SD'

Cau 6: (THPT Chuyén Vinh Phiic-Ian 1 MP 904 nam 2017-2018) Cat khdi hop ABCD.A'B'C'D’ béi
cdc mt phang (AB'D'), (CB'D'), (B'AC), (D'AC) ta dugc khéi da dién c6 thé tich 16n nhat
la
A. A'CB'D'. B. A'C'BD. C. ACB'D'. D. AC'B'D'.



Loi gidi :
Chon C

Khi cat kh6i hop béi cac mit phang trén ta duge 5 khéi tir dién 44'B'D’, B'ABC, CC'B'D’,
D'DAC, AB'D'C. Goi V 1a thé tich ciia khbi hop.

1
Viwso =Vause =Veesn =Vpupe = EV

1 . 2 r
Suyra V,.,p = EV nén tir dién ACB'D’ c¢ thé tich 16n nhat.

Cau 7: (THPT Chuyén Vinh Phiic-Iin 1 MP 904 nam 2017-2018) Mot cong ty sira can san xuit cc
hdp dung sita dang hinh hdp chir nhat c6 day la hinh vuéng, chira duoc thé tich thyuc 1a 180ml.
Chiéu cao cua hinh hop bang bao nhiéu dé nguyén liéu san xuat vo hop 14 it nhat?

A. /1807 (cm) B. /360 (cm) C. ¥7120 (cm). D. 180 (cm).

Loi giai
Chon D
E F
1
1
H : G
1
1
1 h
1
I
]
1
A
L S - =8B
rd
4
c' X
D X C

Goi x la do dai canh day, 4 1a chiéu cao cta hinh hop.

Theo bai ra ta co: xzh:180:>h:@ .
X

Nguyén lidu san xut vo hop 1a it nhat khi dién tich toan phan S nho nhét.
1

S =2x" +4xh =2x> +4x_i20
X

o2 s 120 5 e 360 360 23#2,62 (ﬂj(@j 3323607
X X

X X X



Dau bang xay ra khi: 2x* _360 & x' =180 < x=3/180 . Khidé h=3/180.
X
Céu 8: (THPT Kim Lién-Ha Néi nam 2017-2018) Cho hinh chép S.4BC c6 day ABC 1a tam giac déu
canh a, SA vudng goc voi mat day. Goi M 1a trung diém BC . Mit phang (P) diqua 4 va
vudng géc v6i SM cit SB, SC lan luot tai E, F. Biét V. Z%szc- Tinh thé tich ¥ cua

khdi chop S.ABC.

3

Av=2
2

Chon B

Ta c6 BC L SM . Goi H la hinh chiéu vuéng géc cia A trén SM . Do FE =(P)n(SBC)
= FE 1 SM = FE||BC va FE diqua H.

1 SE SF 1 SHY 1 SH 1 .
V. =— S ——=—&| — | =—=—=—.Vay H la trung diém canh SM .
sapr = 4 Vsanc 7 op a0 T g (SM) 4 sm 2 Y 8 '

a3
=

Suy ra ASAM vuongcantai 4 = SA=

Viy ¥, =L a3 a3 _ @

Y Vsasc 37, 4 3

Céu 9: (THPT Kim Lién-Ha N6i nam 2017-2018) Cho lang tru tam gidc déu ABC.A'B'C’ ¢6 canh day
bang a va AB' L BC'. Tinh thé tich ¥ cua khdi ling tru da cho.

3 3 3
A.V:%. B.V=d’6. C.V:‘“% D.Vza\/g

- 8 4

Chon C




Goi E 1a diém ddi xtimg ciia C qua diém B . Khi d6 tam giac ACE vudng tai A.
= AE =+l4a’ -a’ =ax/§.

Mait khac, ta c6 BC' = B'E = AB' nén tam giac AB'E vudng can tai B'.

_AE _aV3 _aV6

V2 2 2

2
Suy ra: 44" = a6 —azza\/a.
2 2

a2 a*\3 _ a*\J6
2 4 8
Cau 10: (THPT Kim Lién-Ha Noi nam 2017-2018) Cho hinh lang try dtng ABC.A'B'C" c¢6 day la tam

giac vudong va AB=BC=a, AA' = a2 , M 14 trung diém ctia BC . Tinh khoang cach d ciia
hai duong thang AM va B'C.

= AB'

Vay V

A.d:a\/z. B.d:a‘/g. g.d:aﬁ. D.d:ﬁ.
2 6 7 3
Loi giai
Chon C
A
A’ '
BI
B C
A' :::: _______ 'C
\ - N
B B’

Tam giac ABC vudng va AB=BC =a nén AABC chi co thé vudng tai B.

. [4B L BC
Ta c6 = AB L(BCB').
AB L BB’

Ké MN // B'C = B'C /| (AMN )
=d=d(B'C,MN)=d(B'C,(AMN))=d(C,(AMN))=d(B,(AMN)).
T dién BAMN la t&r dién vuong

jiz: 12+ 12+ 12:%4_ 12-" 1 zzlzjd:aﬁ'
d~ BA~ BM® BN° a (aj (a\/gj a 7
2 2

Cau 11: (THPT Kién An-Hai Phong nim 2017-2018) Cho hinh chép S.ABCD c6 day 1a hinh chit nhat,
AB=a, AD = a~/2 . Hinh chiéu cua S 1én mit phang (ABCD) la trung diém H cua BC,

sH =4

22 . Tinh ban kinh mit cau ngoai tiép hinh chép S.BHD .

A. . . C. . D.
2 2 = 4 4




Loi giai
Chon C

_,.",-"--_-_“'
- \
b

- -
-

A
!
.
-

Y
’
o«

/o

Goi R va r lan luot 1a ban kinh mit ciu ngoai tiép hinh chép S.BHD va tam giac BHD .

a2 aﬁ2+2_af
2 2 ‘=

va BD =+a+2a’ =a«/§.

Ta co HB =

, HD =\ HC? + DC* = ( 26

Ap dung dinh 1i C6 sin, ta c6

i 3a2—3a2
cosBHngz—L:sinB’HD/:v—?.
Lol als e
2 2

Dién tich tam gidc BHD 1a S,,,, =

a2 a6 NE)
_HBHDBD 5 " 5 “™° 342
4S a*\2 2

Goi O la tim dudng tron ngoai tiép tam giac BHD va M 1a trung diém SH . Mit phang trung
truc cua SH cét truc dudng tron ngoai tiép tam giac BHD tai E.Khi do E latam mat cau can

Do d6 r

tim.

2 2 2 2
Ta co R:\/r2+MH2:\/r2+SH :\/ruSH :\/9L+“_:a\/ﬁ.

4 4 2 8 4



CAu 12: (THPT Kién An-Hai Phong nim 2017-2018) Cho tir dién OABC c6 ba canh 04, OB, OC doi

mot vudng goc véi nhau, O4 = 022 , OB=0C =a. Goi H 14 hinh chiéu cua diém O trén
mit phing (ABC). Tinh thé tich khoi tr dién OABH .

3 3 3 3
A D2 B OY2 c. V2 Q.“‘/E.

6 12 24 48

Loi giai
Chon D
a3

o ] AB=AC =

Tur gia thiet suy ra: AABC cantai 4 co: V2 .
BC =a\2

Goi / 1a trung diém ctia BC = 4I 1 BC .
Gia st H l1a truc tdm cua tam giac ABC.
Ta thdy O4 L (OBC)

Vi OB 1 (0AC)= OB L AC va AC L BH nén: AC 1L(OBH)=OH 1 AC (1).
BC 1(041)= OH L BC (2)
Tur (1) va (2) suyra: OH L(A4BC).

Co: 01:130:“\5:0/1.
2 2
= AAOI vudng cantai O = H 1a trung diém A/ va OH:%AI:%.
. 1 11 1 a2 2
KhldO: SABH:ESAB[:E.E.A].Blzz.a. > = ] .
1 1 a aZ\/E_cf\/E

Cau 13: Vay thé tich khdi t&r dién OABH la: V =3 OH S =35 (THPT Chuyén
Lwong Van Tuy-Ninh Binh 1an 1 nam 2017-2018) Cho hinh lap phuong 4BCD.A'B'C'D’ ¢6



canh bang a. Goi O va O' lan luot 1a tim cac hinh vudong 4BCD va A'B'C'D'. Goi M, N

lan luot 14 trung diém cta cic canh B'C’ va CD. Tinh thé tich khéi tt dién OO'MN .
3 3 3

AL B. 4. c. L. D. L.
8 12 24
Loi giai
Chon D

A

Goi P, O lan luot 1a trung diém cua BC va C'D'.
2 3

, a a
Ta co SAOPN = ZSABCD :gSABCD = ? = VOPNO’MQ = ?
a 1d 1a &
MaVv, .=V o=V Ve =——————— = —
00'MN orv.ome ~Vaopy TVNomMe T e T 3 e T 3 e T oy

Ciu 14: (THPT Chuyén Trin Pht-Hai Phong lin 1 nim 2017-2018) Xét khdi lang tru tam giac
ABC.A'B'C'. Mit phang di qua C' va cac trung diém ctia A4', BB’ chia khéi ling try thanh
hai phan c6 ti s thé tich bang:

2 1

A, —. B. —. C. 1. D.l.
3 -2 3

Chon B



A

Goi E, F lan luot 1a cac trung diém ctua A4’ va BB' khi d6 ta co:
1 1

Ve wpre = 5 Verwgpa = Viscape = g Viscawe -

2
3

N | =

Suyra Vie gy = g Viscame-

Vay mit phang (C 'EF ) chia khdi lang tru thanh hai phan c6 ti s6 thé tich bang % .

Cau 15: (THPT DPoan Thwong-Hai Dwong-lan 2 nam 2017-2018) Cho tit dién OABC biét 04, OB,
OC d6i mot vudng goc véi nhau, biét 04 =3, OB =4 va thé tich khéi tir dién OABC bang 6.

Khi d6 khoang cach tir O dén mit phiang (ABC) bang:

A3, B, YA c. 2 . =
12 Ja1 Ja1
Loi giai

Chon D

A

O

I
B
1 1 1 1 36

Taco: Ve =5 OCSou =5 0C.20A0B =--0COA0B =6 = OC = 3

OAOB
V& O LBC, OH L Al suyra: OH L(ABC)=> OH =d(0;(A4BC)).

OH220112+01142 SRS SN WS NS ORI ) By b VT

= + +
OB* 0C* o4

Lai ¢c6: =t —+—
) 4* 3% 3% 144 41



Cau 16: (THPT Ha Huy Tap-Ha Tinh-Iin 1 nam 2017-2018) Cho hinh chép tir giac déu S.ABCD . Mit
phing (P) chira duong thing AC va vudng gbc v6i mét phang (SCD), cét dudng thing SD
tai £. Goi V' va V lan luot 1a thé tich cac khdi chop S.ABCD va D.ACE . Tinh s6 do gbc tao
boi mat bén va mit day ciia hinh chép S.4BCD biét V =5V,

A. 60°. B. 120°. C. 45°. D. 90°.

Loi giai

Chgn A

Goi M 1a trung diém CD. Géc tao boi mit bén va mit day 1a goc SMO .
Dung OK L SM d& thdy OK L (SCD).

Vay OK (P)
Kéo dai CK nSD ={E} . Pay la giao diém can tim.

Ta cé M_ d( ABCD ) ABCD 5 d(S,(ABCD)).ZSACD _
Vi acp d( ABCD ) D d(E,(ABCD)).SACD
d(S.(4BCD)) s
d(E,(ABCD)) 2

Dung EF// SO(F < OD) viy = 2E - PF _EF _2
DS DO SO 5

Giast AB=a, 01):“*2/5, SD=b.
Xét tam giac vuong SOD .
2
Dé thdy OE L SD tac6 OD* = DE.DS = 0D2 _DE_2
DS* DS 5
:DS=@:>DS=Q\/§.
2 2

SM =+/SD* —MD* =a
oM 1

Xét tam giac vuong SOM vudng tai O co cos SMO = Y = 5 — SMO = 60° .



Cau 17: (THPT Triéu Thi Trinh-Iain 1 nam 2017-2018) Cho hinh chép S.4ABC, c¢6 AB :5(cm),

BC =6(cm), AC=7(cm). Cdc mit bén tao véi ddy 1 géc 60°. Theé tich ciia khoi chop bang:

A. @(cmﬂ. B. #(cms). C. 24\/§(CYD3). D. 8\/§(cm3).

Loi giai

Chon D

Goi H 1a hinh chiéu vudng géc ctia S xubng mit phing (4BC) va I, J, K 1a hinh chiéu
vuong goc cua H 1én cac canh BC, CA, AB
Tacod SH L(ABC); HI LBC, HJ 1L CA, HK 1 AB

 ((SPEYCARC) - 5 ((SCA) (3601 . (387 (350 - 5.

Ma cac mat bén tao vai day 1 goc 60° nén SIH = SJH = SKH = 60° .

= ASHI = ASHJ = ASHK (canh huyén — goc nhon)

= HI = HJ] = HK = H la tim dudng tron ndi tiép tam gidc 4BC
_AB+BC+CA

Mit khac S, =+/p(p-BC)(p—CA)(p-A4B), vdi p=— =9

=S e =6\/€(cm2).
26 26

Ma SABC:prjr:TQHI:HJ:HK:T‘
Tam gidc SHI vudng tai H c6 SH = HI.tan 60° = 2+/2 (cm).
Khi d6 V . = %S so-SH =83

Cau 18: (THPT Triéu Thi Trinh-lin 1 nim 2017-2018) Cho khéi lang tru tam gidc déu 4BC.4'B'C’ ¢6
canh d4y 1a a va khoang cach tir 4 dén mit phang (A'BC ) bang %. Thé tich cua khdi lang tru

bang:

3 3 3 3
A. W2a . B. V2a . C. 3‘“5. D. 3aﬁ.
12 16 16 48

Loi giai

Chon C



Goi / 1a trung diém ctia BC va H 1a hinh chiéu vudng goc ctia 4 trén A'I . Khi d6 ta co:
a
d(A,(A'BC))=AH =—.
(4.(45C) = ar1 =

Trong tam giac vuong AA'l ta co:

Pt ot ot o111 4 4 8

AH®  A4” AP A4” AH® AP (a) (L,f3) & 348 3d
2 2

Suy ra: A4'= a46 .

Thé tich khéi lang try 1a: V' =S, .44 =

a’ 3.62\/6_3613\/5
2 .

4 16

Cau 19: (THPT Triéu Thi Trinh-1an 1 nim 2017-2018) Cho ling tru tam giac déu ABC.A'B'C" ¢6 tét
ca cac canh déu bang a . Khoang cach giita hai duong thing BC va AB' biang

A. aﬂ. B. &3 C. a*ﬁ. D. aﬁ.

= 7 2 4 2
Loi giai

Chgn A

Ta co BC//B'C' = BC//(AB'C')
suyra d (BC,AB") =d(BC,(AB'C")) =d(B,(4B'C")) =d(4,(4B'C’)).

Goi I va H lan luot 12 hinh chiéu vudng goc ctia A’ trén B'C' va Al .



Taco B'C' L A'Iva B'C' L A4 nén B'C' L(A'Al)= B'C' LAHma Al 1L A'H . Do d6
(AB'C'YLAH

a3

441 4y a21

Khi d6 d(4',(4B'C")) =A'H

- r 42 rr2 2 - 7
NAA + A1 (a3
2
Vay khoang cach can tim 1a a\/7i .

(THPT Thach Thanh 2-Thanh Héa-lan 1 nam 2017-2018) Cho hinh chop S.ABCD c¢6 ddy ABCD la
hinh vuéng canh a, SA=a va S4 vudng goc voi day. Goi M 1a trung diém SB, N thudc
canh SD sao cho SN =2ND. Tinh thé tich ¥/ cua khdi t dién ACMN .

A.V=1a3. B.V=1a3. C.V=La3. Q.Vzia3.
8 6 36 12
Loi giai
Chon D
Cach 1: Phan ra hinh:
3

Thé tich khdi chép S.ABCD 1a: V :%-cf =L,

S

! M

N "””i //,’
A < \L/_’ ______________ - s

D" C

Thé tich tir dién SMNC 1a: V. =

Thé tich tr dién NACD la: V. =




Thé tich tir dién MABC 1a: Ve =~ 2V =Ly
22 4
w 21 211, 1
Thé tich tir dién SAMN 1a: Vg ===V, oo =2t 1
¢ SAMN 3 2 S.BDC 3 2 2 6

Mat khac ta c¢o: Ve +Viuen +Vise T Vs +Vawe =Vs asen

1 1 1 1 1 a’
Suyra V =V —(V. +V, +V, +V. =V—-|V+-V+—V+—V |=—V=—.
y AMNC ( SMNC NACD MABC SAMN ) ( 6 6 4 6 j 4 1 2

Cach 2: Dung hé toa d6 Oxyz :

|
1
1
1
1
1
1
1
! M
a
1 -
1 PRtz
1 i
- e
1 -
1 2\
_-1 .
1 ’
N[0
-7 .
1| ,
T~ 1.7
L a
< =
7z ~ -
. N - y
g S - =
e <~
. PPN
. -- S
-’ - X
7’ -
D J.--

Chon h¢ truc toa 6 Oxyz nhu sau: Gbc O = 4, truc Ox nhan AD lam véc to don Vi.
Truc Oy nhéan AB lam véc to don vi, truc Oz nhan AS 1am véc to don V1.

Khi do 4(0;050) ; M(o;l;lj : C(1:1:0) ; N(z;o;l)
22 33

1
Viewn = g

‘[MN, MC].W‘ L
12

Vay V =

ol 12

Cau 20: (THPT Thach Thanh 2-Thanh Hoa-lin 1 nam 2017-2018) Mot khéi lap phuong c6 do dai
canh 13 2 cm duoc chia thanh 8 khéi lap phuong canh 1 cm. Héi c6 bao nhiéu tam giac duoc
tao thanh tir cac dinh ctia cac khoi lap phuong canh 1 cm?

A. 2898. B. 2915. C. 2876. D. 2012.
Loi giai
Chon C



Cau 21:

T
1
1N
[N M
[ A RN LIVENY]
/I B-M--H-9-- v d
INT SN v 20 -
) Saunl 4-
F-K--F T ->F-
—ASCT
TS N R ANEN
- TR N\
L [] LA K ~
1 1 1 N ~)
I | Tk —9-d-/-F P
[N B N _BET
L 4 ~I.\| - N
1 /d _____ ./___ﬂ_\_ pup— N
1, - . SO
- i+ N

T khdi 1ap phuong ban dau ta nhan &uqc 8 khoi lép; phuong canh 1 ¢cm nhu hinh v& nén tong
s0 dinh cua cac khoi nay 1a 9.3=27.

Dé c6 mot tam giac ta can chon 3 trong 27 dinh va cac dinh d6 khong thing,

Goi cac mit cua khoi 18p phuong ban d?}u thep vi tri tuong ddi ta qé cac mat: trévn-gifrqa-dudi;
trudc-gitta-sau va trai-gitta-phai. Trén tong so cac mat nay ta c6 so cac bd ba diem thang hang
la: 8.3+5.3+2.3+4=49 (tam giac).

Viy ¢6 C;, —49=2876 (tam giéc).

(THPT Thach Thanh 2-Thanh Hoéa-lin 1 nam 2017-2018) Cho khdi hop chit nhat
ABCD.A'B'C'D’ c6 thé tich bang 2110. Biét A'M = MA, DN =3ND', CP =2C'P nhu hinh
v&. Mt phiang (MNP) chia khéi hop d cho thanh hai khoi da dién. Thé tich khéi da dién nho

s
hon bang
D' '
. C
|
1
6']’?-2-.1—;-_-___’_
B ESTT ==
A G R N S Do U
p, I A
i
PR
/ﬂ' T T
e > =
PR o
g T
SO !
: 1
1
C
5275 5275
A 222 D. 2222
6 12
Chgn A

B
Goi Q la giao diém cta mit phing (MNP) v6i BB'.



A'M Cc'p DN  B'O

Gast —=x, —=y, —=z, —=¢.Khido x+y=z+¢.
AA’ cc’ DD’ BB’
Vigpwoy _ X+z+t - Vigpmoy _ X+z+t
Vysr.asp 3 Ve .asco 6
VC'B’D'.PQN _ytz +1 N VC’B’D’.PQN _ytz +1
Vesp.cop 3 Viscn.asco 6
_, Duwouvey L, 1)

Viscoapew 2
M:l(ﬂ+ﬂj :l(l+lj _5
Viscoapew 2\ 44" CC') 2\2 3 12
= VMNPQA’D’C’B’ = %'VABCD.A’D’C’B’ = % .

CAu 22: (THPT Thang Long-Ha N6i-lan 1 nam 2017-2018) Cho hinh 14p phwong ABCD.A'B'C'D’ ¢6
d6 dai canh bang 1. Goi M, N, P, O lan luot 13 trung diém cua cac canh AB, BC, C'D' va
DD'. Tinh thé tich khéi tr dién MNPQ.
3 1 1 1

A. —. B. —. C. —. D. —.
8 8 12 - 24

Chon D

B!

D'=0

Ox=D'A
Oy=D'C’
Oz=D'D

Chon h¢ truc toa d9 Oxyz sao cho:

Khi do:
A(1;0;1), B(L;1;1), C(0;1;1), D(0;0;1), 4'(1;0;0), B'(1;1;0), C"(0;1;0)

M l;l;l » N l;1;1 , P 0;1;0 » Q 0;0;1 :
2 2 2 2

Ta c6: MN _—1;1;0 , MP —1;1;_—1 , MO —1;_—1;_—l
22 272 22



_J’____

1 1 1
4 8 8

[, |44

= Vo :é.\[m,vp].@\ :i.

Ciu 23: (THPT Thang Long-Ha Néi-lan 1 nam 2017-2018) Cho t dién ABCD c6 thé tich V', goi M,
N, P, O lan lugt 14 trong tdm tam giac ABC, ACD, ABD va BCD. Thé tich khéi tir dién

MNPQ bing

AT B. . c’. p. .
9 27 9 27

Loi giai

Chon C .

Goi E, F, I lan luot 1a trung dié€m cac doan thang BC, CD, BD.
.,V 8 8 2

Ta co —H5E = 53 Visme :gVAEFI ZEV-

AEFI
1 11 1 1 V
VMNPQ zgd(Q’(MNP))'SMNP =§Ed(A,(MNP)).SMNP zgd(Q’(MNP))‘SMNP :EVAMNP 23-

Céu 24: (SGD Bic Ninh nam 2017-2018) Cho ling tru ABC.4A'B'C' c6 day 1a tam giac déu canh a.

Hinh chiéu vuong goc cta diém A4’ 1én mat phang (ABC ) trung voi trong tdm cua tam giac

a3

ABC . Biét khoang cach giita hai duong thang 44’ va BC bang e Khi d6 thé tich cua

khéi lang tru 1a

3 3 3 3
A.“‘/g. B.“‘/g. C.“‘/g. D.“‘g.
6 24 12 36
Loi giai
Chon C

Goi G la trong tam cua AABC, M 1a trung diém cua BC.
= A'GL (ABC) .

BC 1 AM

, .=>BC1(44'G)= BC L MN.
BCLAG

Trong (AA'M) dung MN L AA', ta co: {



_aV3

= d(A4A4',BC)=MN 4
Goi H 1a hinh chiéu cua G 1én A4'.

G_H—_AG—2 GH:%MN:—a\/g

Taco: GH//MN = = =—=
MN AM 3 3 6
Xét tam giac AA'G vuong tai G, ta co:
1 1 1 1 1 1 1 1 27 . a
T e T e P 2 A2 2 = =G4 =—.
GH" G4~ G4 G. GH® GA a3 a3 3a 3
6 3
a’<3 g_a3x/§

Vay thé tich cua khéi lang tru la: V' =S8 ,,..4'G = 3T D

CAu 25: (SGD Ninh Binh nam 2017-2018) Cho hinh chép S.ABCD . Goi A', B', C', D' theo thir tu 1a
trung diém cta S4, SB, SC, SD. Tinh ti sb thé tich cua hai khdi chop S.A'B'C'D'" va

S.ABCD .

AL B. L. c1. D. 1.
16 4 8 2
Loi giai
Chon C
Ta co VSABD' =S_A,S_B,S_D=l = VS.A'B'D' :L .
Vew SA SB SD 8 Ve sep 16
Va VSBDC' =S_B,S_DIS_C”=l = VS.B'D'C' :L .
Vewe SB SD SC 8 Ve sep 16
Suy ra VSAA'B'D' + VSAB’D’C' — L+L zl — VSAA'B’C'D' :l'
S.ABCD VSAABCD 16 16 8 VSAABCD 8

Céu 26: (THPT Chuyén DH KHTN-Ha Noi nam 2017-2018) Cho hinh hop ABCD.A'B'C'D' c6 day
ABCD 1a hinh thoi canh a3 , BD=3a, hinh chiéu vudng gbc cia B trén mit phang
(A'B'C'D') tring vdi trung diém cia A'C’. Goi a 1a goc tao boi hai mat phang (ABCD) va

(CDD'C'), cosa = @ Thé tich khdi hop ABCD.A4'B'C'D’ bang



3 3 3 3
A.%. B. 9"6. c. 2z D. 3"‘6.

Do (DCC'D')//(ABB'A’) va (ABCD)//(A'B'C'D') nén gbc giira hai mit phang (ABCD) va
(CDD'C") ciing bang goc giita hai mit phang nén goc gitra hai mit phang (A'B'C'D') va
(ABB'A') va bing goc OHB v6i H 14 hinh chiéu cua O 1én 4'B'.

2 2
Trong AA'B'D' ¢6 OA” = AD” —0D" =34’ —9% 23 on= # = A'C' =av3.

a\/g 31
Tacé OH.A'B' = OA'OB = OH = -2 2 3%
a\/§ 4

cosa:O—H:@ BH:L.?’—a:a 21

7 L2174 4

2 2
BO = BH? —OH" = 2la” 9a :ax/g‘
16 16 2
1 3a2\/§

1
SABCD:EAC.BDZEa\/gSa: o

_3a’V3 a3 94

Vay vV . .
W 2 2 4

Céu 27: (THPT Chuyén Lé Quy Don-Da Nang nam 2017-2018) Xét cac hinh chop S.ABC c¢6
SA4 =SB =_S8C = AB = BC =a . Gia tri 16n nhat ctia khdi chop S.4ABC bang

3 3 3
33a . B. L. c. L. D.
4 4 4
Loi giai

A.

L
=

Chon D



D

A
Goi D la trung diém ctia canh 4B . Khi d6 4B L CD va AB 1 SD = AB 1 (SCD).

Goi H la trung diém cta canh SC suyra DH 1 SC.

2 2
Pit AD =x. Taco SD* = a* —x*; DH =~/SD* — SH> z\/az—xz—%z %—xz .

Thé tich khéi chop S.ABC 13: V e =2V e =2V sp = 2%SASDC.AD = %SC.DH.AD.

2 3a’ 2
2 3a2 5 1 X +T—x a3
Do do V. =—ax,——-x" <—g———— =— (BDT Cbsi).
sapc =34 3 2 8( )
3

Dau “="xay ra khi ABCD < x= a\/g. Vay gié tri 16n nhat cta khdi chop S.4BC 1a % .

Cau 28: (THPT Chuyén Lé Quy Pon-Da Nang nam 2017-2018) Cho khéi chép S.4BCD co day
ABCD 14 hinh chit nhat. Mot mit phing thay d6i nhung luén song song véi day va cit cac
canh bén S4, SB, SC, SD lanlugttai M, N, P, Q.Goi M', N', P', Q' lan lugt 14 hinh

chiéu vudng géc cia M, N, P, Q 1én mit phang (4BCD). Tinh ti s6 ‘S:S—Aj dé thé tich khoi

da dién MNPQ.M'N'P'Q’ dat gia tri 1on nhat.

A2 B.L. c.i. D.2.

-3 2 3 4
Loi giai

Chon A

pat 2 _k vsi ke[0;1].
SA

MY _SM _

Xét tam gidc SAB c6 MN // AB nén y k = MN =k.AB

B 54
Xét tam giac SAD c6 MQ// AD nén M—stﬁz
AD  SA

Ké duong cao SH cua hinh chop. Xét tam giac SAH co:

k = MQ =k.AD



MM _AM _SA-SM_ SM_y 4 = MM'=(1-k).SH .
S4 S4 S4
Ta ¢6 Vypposro = MN.MQ.MM' = AB.AD.SH k*.(1-k).

\ 1
Ma Vs ypep = ESHAB-AD = Viwrosnro = 3Vs asco 'kz'(l - k) :

MM'// SH nén

Theé tich khéi chop khong doi nén ¥,y o dat gid tri 16n nhat khi k*.(1—k) 16n nhat.

2(1-k)kk <l(2—2k+k+kj3 4
2 T2 3 27

Ding thirc xay ra khi va chi khi: 2(1—k)=k @kz%.Véy i—]\jzg

Taco k*.(k—-1)=

Cau 29: (THPT Chuyén Phan Bi Chau-Nghé An- Ian 1 nam 2017-2018) Cho lang try ABC.A'B'C’
c6 thé tich 7. Piém M 1a trung diém canh 44 . Tinh theo ¥ thé tich khéi chop M.BCC'B' .

A.z—V. B.3—V. C.K. D.K.
3 4 3 2
Loi giai
Chon A
A’ c'
B _—

Goi: V' =V ipe ywer = A4Sy pc -

1
= VM.ABC = VM.A’B'C’ = E'MA‘SAABC =

AA'S, 0 = %V .

[SSREE
N | —

2V

. 1 1
Taco: Vi peew =V =Viase =Vigawe =V _EV _EV - 3

Cau 30: (THPT Chuyén Qudc Hoc-Hué nam 2017-2018) Cho hinh chép tir gidc déu c6 canh day bang
1, chiéu cao bang 2. Xét da dién 161 H c¢6 cac dinh 1a trung diém tat ca cac canh cua hinh chop

d6. Tinh thé tich cua H .
5

A2 B. 4. C. 243. D. —.
2 12

Loi giai
Chon D



Goi hinh chép tir giac déu la S.ABCD, c6 thé tich V; .., = %.1.2 = % :
Goi M; N; P; Q; E; F; G; H latrung diém tat ca cac canh cta hinh chop (hinh v¢). khi
, L. 11 1
do VMNPQEFGH = Vs.48cp _(VS‘EFGH + VFAMBQ + VG.QCP + Vi pon VEAMAN) s VOL Vs iy = 521 = E .
Céc khdi chop con lai cing chiéu cao va dién tich day bang nhau nén thé tich ciia chung bang
1111 1 : ) 2 1 4 5
V =—.—.—.—.1=— . Vay thé tich can tinh V, ==
EMAN T3S 24 ay MNPOEFGH = 315 T 54 T

Cau 31: (THPT Chuyén Thai Binh-lin 3 nim 2017-2018) Cho hinh chép déu S.4BC c6 day la tam

giac déu canh a. Goi E, F lan luot 1a trung diém cia cac canh SB, SC. Biét mit phang
(AEF) vudng gbc véi mét phang (SBC). Tinh thé tich khoi chép S.4BC.
a5 a5 a3 b a*\6

A. . B. . C. . .
24 8 24 12

Huéng din giai
Chon A

Goi M, N lanluot 1a trung diém canh BC va EF; H 1a trong tam tam giac ABC'.

. |(4EF) L(SBC)
faeo {(AEF) N(SBC)=EF

(1)



4

Trong mit phang (SBC), ta c6 nén EF L SM (2).

EF /I BC
SM 1 BC

Tur (1) va (2) suy ra SM vuéng goc véi mét phang (AEF) tai N
Mait khac

Tam gidc SHM vuodng tai H c6 cos M :I;—AA;[ (3).

Tam gidc AMN vuodng tai N c6 cos M =% (4)

Tu (3) va(4)taco 1;—;‘/[4 = % < SM.MN = HM .AM (vi N 1a trung diém SM )

| 1 V2 a2

<:>5SM2 =§AM2 & SM == AM =

3 2

Tam gidc SHM vuong tai H c6 HM :%.AM: a;/g va SH =~/SM* - HM* = a

NG
23’

.y 1 a5
Khido Vs - :E‘SABC‘SH =
Cau 32: (THPT Chuyén Thai Binh-lin 3 nim 2017-2018) Cho khéi lang try dimg ABC.A'B'C’ c6 day

la tam gidc vuong ABC vudng tai 4, AC=a, ACB = 60°. Puong thang BC' tao v6i mit
phang (A'C'CA) géc 30°. Tinh thé tich khdi lang tru da cho.

3 3
A. 243a°. B. a*6 . c. 2 f D. 2 ;/5
Huéng din giai
Chon B

Ta c6 AB=a~3, d& thdy goc giita duong thing BC' tao voi mit phing (A'C'CA) 1a gbc

a3

BC'A=30°. Suyra an30°=="7 = AC'=3a = C'C=22a.



Vay Vpe opce = 2\/§a.%a.a\/§ = a’ 6.

HET

Cau 33: (THPT Chuyén Vinh Phic - 1an 3 nam 2017-2018) Hinh 14p phuong ABCDA'B'C'D’ canh a.
Tinh thé tich khoi tir dién ACB'D'.

3 3 3 3
AL B. L. c L. ) Y
3 2 6 4
Loi giai
Chgn A
A, D’
|
| C'
B’ i
\\ |
N |
\x J e R b, D
B - C

Taco Vyepp =Visen e _(VBCABC Vewer tVoaco ¥V apr )
1

B\ _ 3 Y _ _ _ _ i _ 2 1 3
Ma VABCDAA'B'C'D' =a va VB’AABC - VCAB’C'D' - VD’AACD - VAAA’B’D’ - E‘A A'SA'B'D' -

I 1
—a—a =—a .
3 2 6
a3

4
Dodd V,.p =a°——a’ =—.
ACB'D 6 3

Ciu 34: (THPT Chuyén Vinh Phiic - Iin 3 nim 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la
hinh vuéng canh a, S4 vudng goc véi ddy, SA=a~2. Goi B, D' 1a hinh chiéu cia 4 lan
luot 1én SB, SD . Mit phing (AB'D') cat SC tai C'. Thé tich khéi chop SAB'C'D’ 1a:

2a3\/§ 2623\/5 a%/i 2a3\/§

A V= . B. V= . C.V= . D. V= .

9 3 = 9 3
Loi giai

Chgn C




a*\2
T
Vi B', D' 1a hinh chi¢u cia A lan luot1én SB, SDnéntacd SC L(AB'D').

Taco: Vs pep zé.az.a 2=

Goi C’1a hinh chiéu cia 4 1én SC suyra SC L AC'ma AC'"(AB'D')=A4 nén
AC' (AB’D’) hay C'= SCm(AB’D’).
Tam giac SAC vudng cantai 4 nén C' la trung diém cua SC.

SB'" SA*> 2a° 2

Trong tam giac vudng SAB' ta cod = ==,
glame & SB SB’ 3d 3

Ve _ Vo *Vsicn 1(&&2&} _SBSC 211
Ve isen Ve sen 2\SB SC SD SC) SBSC 32 3
. a’\2

Vay Vopep = 9

Ciu 35: (THPT Chuyén Vinh Phtic-lan 3 MD 234 nam hoc 2017-2018) Cho hinh chép S.ABCD c¢6
ddy ABCD la hinh vudng canh a, S4 vuéng goc véi ddy (ABCD), géc giita hai mét phang
(SBD)va (ABCD) bang 60°. Goi M, N lan luot 13 trung diém cta SB, SC. Tinh thé tich
khéi chop S.ADMN .

G e

3 3
B.V :30‘/6. :a‘/g.

A V=

C.v

D.V

16 24 16 8
Huéng din giai

Chon A

Goi O 1a tam cta hinh vudng ABCD . Khi d6 ta ¢6 SOA la goc giita hai mat phing (SBD)va

(ABCD) nén SOA = 60°. Khi d6 tan 60° =j—‘é = S4 = AO.tan 60° :%a. 3= "‘2/5

Taco Loawy S4 SM SN 1 0 Vopp S4 SN SD_ 1
Vepe SA SB'SC 4 Vi ,, SASCSD 2

3
045 ¥y =y (1) 2 2 L 28 o

S.ADMN — 5 VSAABCD‘ —+t=

4 2

5.4BCD =
8




Cau 36: (THPT Hoai An-Hai Phong nim 2017-2018) Cho hinh hop ABCD.A'B'C'D'. Tinh ti s6 thé
tich ciia khoi tr dién 4'C'BD va khdi hop ABCD.A'B'C'D' .

1
AL B. L. c L. D. -.
3 6 2 4
Loi giai
Chon. C.
A’ B’
1"
1\ Q
D'—— N
/| X
| AV L S
= =B
/ _ -
1 --"
D C

. , 1 1 1 1
Goi V' = Viscp apen s A COVewn =V =Vepes =Veyps =Vewpn = V- g V- g V _g V= 5 V.

e

1
wmry ==V
acB =5

ABCD.A'B'C'D"*

Cau 37:






(THPT Hong Quang-Hai Dwong nam 2017-2018) Cho ham s6 y = f(x) ¢6 do thi

y=1"(x) cit truc Ox tai ba diém c6 hoanh d§ a < b < ¢ nhu hinh v&. ménh dé nao dudi day

la dung ?
VA I
A £(¢)> f(a)> £ (). B. f(c)> f(b)> f(a).
C.f(a)>f(b)>f(c). D.f(b)>f(a)>f(c).
Loi giai
Chon A

Tur d0 thi cua ham sé y = f'(x), ta c6 bang bién thién cia ham s6 y = f(x) nhu sau:

X —o0 a b c +00
0 - 0 + 0

/(a) f(c)
f(x) / \f(b)/ \

T d6 suy ra f(a)>f(b), f(c)>f(b). (D
Mit khéc, tir d6 thi ham s6 y = f”(x) ta ciing c6:

c b
[r1(x)de>-[f(x)dx = f(e)=f(b)>=f (b)+ f(a) = f(e)> f(a). (@
b a

Tu (1)va(2)suyra f(c)> f(a)>f(b).

Cau 38: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho hinh chép S.ABC, M va N 1a cac
diém thudc cac canh S4 va SB sao cho MA=2SM , SN =2NB, (a) la mat phéng qua MN
va song song véi SC . Mit phing (a) chia khéi chép S.4BC thanh hai khéi da dién (H,) va
(H,) vé6i (H,) 1a khéi da dién chira diém S, (H,) 1a khdi da dién chua diém 4. Goi V], va

V, lan luot la thé tich cia (H,) va (H,). Tinh ti sb n
2

C.

Nlw
.l N
(SSHIEN

A B.
5

NGO

Loi giai
Chon A



Ki hiéu ¥ 1a thé tich khoi tir dién SABC .
Goi P, QO lan luot 14 giao diém cta () véi cdc duong thang BC, AC.

Taco NP // MQ /I SC.

Khi chia khdi (H, ) béi mit phang (ONC), ta dugc hai khéi chép N.SMOC va N.OPC.
d(N.(S4C) ) sMoc

Ve s d(B (SAC)) See

d(N,(SAC)) NS 2. Sup AM 4Q :(AMJZ _4_ Sswec 5

N SMOC

Ta co

d(B,(SAC)) BS 3 S, ASAC \4S) 977 S,
Do d6 VN.SMQC :%'ézﬂ
39 27

B.ASC

Viore _ d(N:(OPC)) Sorc _,(CQ CPJ _.(l.ZJ 2

C4 CB 33) 27°

d(S,(4BC)) SABC

VSABC

14 4

4 Vy
W _Zwege | Tngre 10, 2 =— =5V, =4V, =
VitV

Do d6 — =t = 4 =
V VB.ASC VS.ABC 27 27 9

U1|4>

s|v

Ciu 39: (THPT Hong Quang-Hai Dwong nam 2017-2018) Cho t&r dién ABCD ¢6 AB=CD =4;
AC=BD=5; AD=BC =6. Tinh thé tich khoi tir dién ABCD.

15\/6‘ B 15;/€ c. 454£‘ D. 45;/6‘

A ——

Loi giai
Chon A



Cau 40:

Xét bai toan tong quat nhu hinh v&. Trong mit phing (BCD) dung tam gidc MNP sao cho B,
C, D theo tht tu 1a trung diém cua cac canh PM , MN va NP.
Khi d6 MN =2b, NP=2c¢, MP =2a.
Dit AP=z, AM =x, AN =y, ap dung cong thirc duong trung tuyén ta c6 hé phurong trinh
4c12=2(xz+22)—4a2 x2=2(a2+b2—02)
4p° = 2(x2 +y2)—4b2 oyt = 2(02 +b° —az).
40222(y2+22)—462 2222(a2+02—b2)
Xét tam gidc AMN c¢6 AM’ + AN® = MN’ suy ra tam giac vudng tai dinh 4.
Tuong tu cac tam giac khac ta dugc tir dién AMNP 1a tir dién vudng tai 4.
1, _11 f \/

Suy 12 Viyep = Vi =5 AMAN AP =

1546

4

a b - (c +b*—a’ )(a2+cz—b2).
Ap dung vao ta duge V., =

(THPT Lé Hoan-Thanh Hoéa-lin 1 niam 2017-2018) Cho khdi ling tru tam gidc déu
ABC.A'B'C’ ¢6 canh day 1a a va khoang cach tir 4 dén mit phang (4A'BC) bang %. Tinh thé
tich cua khéi lang tru ABC.A'B'C’.
3 3 3 3
A 30N2 B, Y20 c. N p. 392
48 16 12 - 16
Loi giai

Chon D



Goi M la trung diém BC, H 1a hinh chiéu ciia 4 trén 4'M . Nhan xét d (4,(A4'BC))= AH

Tam giac AA'M vuong tai 4 nén co:

L, 1 vt 1 4 4 1 8 ., a3
AA AM?  AH® A4 3d> & AL 3d 22
a’/3 a\/§_3a3\/5

Thé tich cua lang truy ABC.A'B'C' 1a V =

4 22 16
Cau 41: (THPT Lé Hoan-Thanh Hoéa-lan 1 nam 2017-2018) Cho hinh chép S.ABCD c¢6 day ABCD la
hinh binh hanh. Goi M, N 14n luot 1a trung diém cua cdc canh S4, SD. Mit phang (&) chua

MN cét cac canh SB, SC lan luot tai 0, P.bat % =x,V la thé tich cua khdi chop

S.MNQP , V 14 thé tich cia khdi chép S.4BCD . Tim x dé :%V.

=_1+—\/§. B.xzx/i. C.le. D.x=_1+—m.
4 2 4
Loi giai

>

X

Chon A

MN // BC
— PO // BC.

(a)N(SBC)=PQO



VS4MNQ+VS4NPQ :5 PN VS,MNQ + V&NPQ _l SﬂS_Ng_i_ES_N &_1

= = . . . . =
% v v W, n Wipes 2 SA SDSB SC SD SB
2 —
©%+%:1 &2 +x-4=0 <:>x=1+T 33 (i x> 0).

Ciu 42: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Cho hinh chop tir gidc S.ABCD c6 day la
hinh vuéng canh bang a2 . Tam gidc SAD can tai S va mat bén (SAD)Vu()ng goc voi mat

2 7 2 4 N 4 2
phang day. Biét the tich cua khoi chop S.ABCD bang §a3 . Tinh khoang cach 4 tu diem B
dén mat phﬁng(SCD) .

D.h=§a.
3

Ta c6 chiéu cao cta khéi chop S.ABCD 1a SI v6i I 1a trung diém cua AD.

: ‘. .4 1 4
Suy ra thé tich cua khdi chop S.4BCD béng ga3 o 52512.51 = §a3 & SI=2a.
Xét tam giac SCD vuodng tai D co:

2
SD =~ISI” + ID* = 3“;/5 nén S, :%SD.CD:%.M;/E .a\fz%.

Théy ngay Vs 4zcp =2Vs pep = 2Va.s0p < ga3 = 2'§SASCD'h S h= %a :

Cau 43: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Cho hinh chép déu S.4BCD c6 canh day
bang 2a, khoang cach giira hai duong thang S4 va CD bang a3 . Thé tich khéi chop déu
S.ABCD bang ?

3 3
A2 f B. 44°\3. C. 3. D. 4“3\/5.

Loi giai

Chon D



Goi O=ACABD, hinh chép déu S.ABCD = SO L(ABCD) va ti gidc ABCD la hinh

vudng.
Ta c6 CD//AB = CD//(SAB) = d(CD;SA) = d (C;(SAB)) =2d (0;(S4B)).

Baira d(CD;S4)= a3 = d(0;(S4B)) ="~

3
5
T dién vudng O.SAB:LZ: 12+ 12+ 12 V(')‘ith(O;(SAB)):ﬁ,
h~ 0S° 04~ OB 2

AB 4 1 11
Canh O4=0B="2 42 =~ = = S50=a\3.
' N 3> SO* 24° 24°

3
Do dé ¥, yp = %SO.SABCD = %ax/gAaz = 4"3\/5 .

Céu 44: (THPT Ninh Giang-Hai Duwong nam 2017-2018) Cho hinh chop S.ABCD c6 day ABCD la

hinh chit nhat, mit bén SAD 1a tam giac déu canh 2a va nam trong mit phang vudng goc véi
mit phang day. Tinh thé tich khéi chép S.ABCD biét rang mit phang (SBC ) tao v&i mat

phang day mot goc 30°.

3 3 3
A. V3a . B. 2434°. C. 23a . D. 43a
2 3 3
Léi giai
Chon C

Goi H, M lan luot la trung diém AD, BC.
Khi d6 SH 1a duong cao cta hinh chép S.ABCD .




Tacé HM L BC, SM L BC nén géc gitta mit phang (SBC) tao v6i mit phing day 1a

SMH =30°.

Trong tam gidc SHD c6 SH =+/SD* — DH’ = a3

Trong tam giac SHM co tan SMH :S—H = MH :S—E\ =a=AB.
MH tan SMH

3
Vay thé tich khéi chép S.4BCD 1a ¥ :%SH.SABCD :%.a.za.a\/_ = 2*/33" .

Cau 45: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Cho hinh chop S.ABCD cé day 1a hinh
vudng canh a. Canh bén SA vudng gbc v6i mit phang ddy, canh bén SC tao voi mit phang
(S4B) mot goc 30°. Thé tich cua khdi chop S.ABCD bing:

JNCAER B, OV c. N2 p. <2
3 4 2 = 3
Loi giai

Chon D

S

A B

(o]
b c

Ta c6: ABCD 1a hinh vudng canh a nén S, =a’

Vi hinh chép S.ABCD c6 day 1a hinh vudng, canh bén S4 vudng goc v6i mit phang day
= BC L (S4B).

Canh bén SC tao v6i mit phing (S4B) mét goc 30° => CSB =30°.

Tam giac SBC vuong tai B ¢o C/'@ =30°, S/C79 =60°, BC=a.
-8 _ BC a3

sinSCB sinCSB
Tur gia thiét = S4 L AB . Tam gidc SAB c6 SA=~/SB> - AB* =a /2.

1 a3\/§

= VSABCD = ESA‘SABCD =

Cau 46: (THPT Ninh Giang-Hai Dwong nam 2017-2018) Cho hinh lang tru dtng 4BC.A'B'C’ c6 day
la tam gidc vudng can dinh 4, mat bén la BCC'B’ hinh vudng, khoang cach gitra AB" va CC’
bang a. Thé tich cua khéi ling tru ABC.A'B'C' la:

A. ‘Nz. B. ‘Nz. C. “3*/5. D. .
3 6 2
Loi giai

Chon C



>

N

Ta co: AC L AB (gia thiét), AC L AA'(vi ABC.A'B'C' 1alang try dimg)= AC L (AA'B'B).

[9

Taco: CC'//BB' = CC'//(AA'B'B)
=d(CC',AB')=d(CC',(44'B'B))=d(C.(A4B'B))= AC=a.
Vi tam gidc ABC vuong cantai 4 nén BC = AC2=a\2.
Mat khac BCC'B' hinh vuong nén BB' = BC = a2 .

2 a3\/5

Thé tich khéi lang try ABC.A'B'C’ 1a: V =S ,,..BB' = %a 2=

Cau 47: (THPT Phan Diang Lru-Hué-lin 1 nam 2017-2018) Xét khoi tir dién ABCD c6 canh AB = x,
cac canh con lai déu bang 2+/3. Tim x dé thé tich khéi tir dién ABCD dat gid tri 16n nhét.

A x=+6. B. x=+/14. C. x=3/2. D. x=243.
Loi giai
Chon C
A
N
B c
M
D
Goi M, N lanluot 1a trung diém CD va AB; H la hinh chiéu vuong goc cua A lén BM .
~CD 1 BM

}:> CD 1 (ABM )= (ABM ) L (ABC).

Ma AH 1L BM ; BM =(ABM )"(ABC) = AH 1 (ABC).

Do ACD va BCD la hai tam giac déu canh 23 = AM = BM =§'2\/§:3.
2

Tam giac AMN vudng tai N, c6: MN =~/ AM* — AN? :1’9_%.

Lai co:

Soen :?(2\/3)2 =3.3.



2
5,0, = L0 5 5B o

V isco ZEAH.SBCD _ET
2 2
Taco: Vg :€X\/36—x2 S€'$:3ﬁ.

Suy ra ¥V, 16n nhét bang 343 khi x> =36—x> = x=32.

Céu 48: (THPT Quang Xwong 1-Thanh Hoa nam 2017-2018) Cho hinh lang try ding ABC.A'B'C" c6
day ABC 1a tam giac vudng can tai C voi CA=CB =a. Trén dudng chéo CA’ lay hai diém
M, N . Trén duong chéo AB' liy duoc hai diém P, Q sao cho MNPQ la ti dién déu. Tinh
thé tich khdi lang try ABC.A'B'C’.

3 3
a a
A, —. B.a’. C. —. D. 24°.
6 2
Loi giai
Chon C
"
B
- 7e
NX 7
i

C

Do MNPQ la ti dién déusuyra AB' L A'C.Pat A'A=x.

Taco AB.A'C=0<(AC+CB+BB).A'C=0

<:>x.\/a2+x2.L—x.\/a2+x2.#=0 S x=a.
a’+x° NVa' +x°

3
~ _ 2 _a
Vay VABCAA’B'C’ =a.—a = 7

N | —

Cau 49: (THPT Tran Quéc Tuan nam 2017-2018) Cho hinh chép S.ABC c6 ddy ABC la tam giac
vuong tai 4, canh SA vudng goc v6i mit phang day. Cho biét AB=a, BC =2a. Goc giita
canh bén SC va miat day bang 60°. Tinh thé tich ¥ cua khdi chép S.4BC.

3 3 3
A.V:af. B.V:3‘“B. C.V=d. D.V:“f

Hwéng din giai
Chon A



Vi S4 L (ABC) nén V . = %.SABC.SA, goc gitta SC va miat phang day ABC bang goc giita

SC va AC bing géc SCA=60°.

Trong tam giac ABC vudng tai A co: AC:\/BC2 — AB? =\/4a2 —a® o AC=av3.

1 1 f:a2\/§

Khi do: S, =2 ABAC = aa )

Trong tam giac SAC vuodng tai 4 c6: S4= AC.tan SCA = a\3.tan60" < SA=3a.

) 1’3 a3
Do vay VSAABC:? 5 3a= .

Cau 50: (THPT Tran Quéc Tuan nam 2017-2018) Cho hinh lang tru ABC.A'B'C' c¢6 day ABC la tam
giac vuong tai 4, AB=a, AC= a~/3 . Hinh chiéu vudng goc cua dinh A4’ 1én (ABC ) trung
v6i tim cta dudng tron ngoai tiép ciia tam giac ABC. Trén canh AC lay diém M sao cho
CM =2MA . Biét khoang cach giira hai duong thang A'M va BC bang %. Tinh thé tich

V ctia khdi ling tru da cho.

3 3 3
A.V:a\/g. B.V=a C.V:%. D.sza\/g.

3

Hwéng din giai




Ké MN//BC, Ne AB. HK L MN, HI 1 A'K .

d(AM;BC)=d(BC;(AMN))=d(H;(AMN))=HI = HI =%.

K¢ AT //HK , AT"MN =P :>HK=PT=§AT

Tam gidc ABC vuong tai 4 = 12: 12+ 12=i2:>HK=%AT=i.
AT?  AB*  AC* 3a 3 NE)
1 1 1 4 3 1
Tam gidc A’HK vudng tai H = = - =— - =—_=A4AH=a
s g AH* HI’ HK® o o a
3
Vay thé tich khdi lang tru da cho la: V' = A'H.S,,. =a L aa3 =4 > &

Cau 51: (THPT Tran Hung Pao-TP HCM niam 2017-2018) Cho khéi ling try ABC.A'B'C'. Goi M 1a
trung diém cia BB’ , Nla diém trén canh CC' sao cho CN =3NC'. Mit phang (AMN) chia

khdi lang tru thanh hai phan c6 thé tich ¥;va ¥, nhu hinh v&. Tinh ti s ﬁ
2

C

A. oo D. n_ 7
v, 3 v, 5
Chon D
(1
M
—
;’/L
N
i
Goi M' 1a trung diém ctia CC', ta co:
1 1 1 5
At yer = EdZBCC'B' s dt gy = ZdtBCM’M = gdZBCC'B' = dlgyne = gdtBCC’B’
1 ! !
o gd(A,(BCB C")) Aty s
Viscwe ;d(A,(BCB'C')).dIBCB'C, 8



1

—d(A;(A'B'C")).dt

Viage 3 ( ’( )) Lawe :l: Viscen 223 V, :_'Z:_.
3 3

d (A; (AIB ICI)) ‘th’B’C' 3 Viscawe Viscape 8

v, 7
DoV, yper =Vi4+V, => L =—.
agcapc =T v, s

VABCAA'B'C'

Cau 52: (THPT Trin Hung Dao-TP HCM nam 2017-2018) Cho hinh chép tir giac déu S.ABCD co
day ABCD la hinh vuong canh a, canh bén tao véi day mot goc 60°. Goi M 1a trung diém
ciia SC . Mit phang di qua AM va song song v6i BD cit SB tai E vacat SD tai F . Tinh
thé tich ¥ khéi chop S.AEMF .

3 3 3 3
A.V:‘“/g. B.V:a\/g. C.Vz‘“/g. Q.V:a\/g.

36 9 6 18

Loi giai
Chon D
Trong mit phang (SBD): EF NSO =1. Suyra A,M,I thing hang.
.y . £ 2 . ST 2
Trong tam giac SAC hai trung tuyen 4AM,SO catnhau tai / suyra S0 = 3
Laico EF // BD:S—E:S—Fzﬂzg.
SB SD SO 3

Tacs: Vo _SE SM _1 Vi, _SF SM _1

Vese SB SC 3 Vo, SD SC 3
Vﬁy VS.AEM + VS.AFM — l = VS.AEMF =

VSAABC + VSAADC 3 VSAABCD 3
, i~ ~ N 4z 5 M L ODA a\/g

Goc gitra canh bén va day cia S.ABCD bang goéc SBO = 60° suy ra SO = BO3 = -

3
Thé tich hinh chép S.ABCD bing V e, = %SO.SABCD :%.
a6

Vay Vs your = 18



Cau 53: (THPT Tt Ky-Hai Dwrong nam 2017-2018) Cho khdi chop tir gidc S.4BCD c6 day 1a hinh
binh hanh. Goi M 14 trung diém ctia SC , mit phang (P) chira AM va song song BD chia
khdi chop thanh hai khéi da dién, dat ¥, 1a thé tich khéi da dién c6 chira dinh S va ¥, 1a thé
tich khéi da dién co chira ddy ABCD . Ti sb % .

A Ls B 27 c. oy p. 2.3

4 4 Vi ez
Huéng din giai
j Y
S 0 W B
)
D'_ e _i'-.C
Chon B

bat Vs jpep =V

Goi O la giao diém hai duong chéo AC va BD . Goi I la giao diém ciia SO va AM .

Do (P)//BD nén (P) cét mit phang (SBD) theo giao tuyén NP qua I va song song v6i BD
; (N e SB;P e SD) .

Xét tam giac SAC ¢ I 1a giao diém hai trung tuyén nén / 1a trong tam.

Taco Loary SPSN-_22_4 ., 4, ~_41, 2
Vi s SDSB 33 9 APV T gl 92" 9
Tuong ty Lspwy SPSMSN_212 2, - 2, 21, 1y
s SDSCSB 323 9 g 92 9

Tado V=V oy Vs pan =§V. Do do —=+

Cau 54: (THPT Xuan Truwong-Nam Dinh nam 2017-2018) Cho hinh choép tam giac S.ABC c6 SA4
vudng goc v6i mit day, tam gidc ABC cantai 4. Trén canh AB lay diém D sao cho
AB=34D.Goi H 14 hinh chiéucta B trén CD, M 1a trung diém doan thfmg CH . Tinh

theo a thé tich khdi chop S.ABM biét SA= AM =a va BM = %a :

3 3 3
A B3 p, Y3 c. L. p. L.
9 12 9

Loi giai
Chon C



© B
¢ N

Trong mit phang day (ABC): K¢ Ax// BC va AxnCD=K , goi N la trung diém cta BC.

Khi d6 do AABC can & 4 nén AN L BC va tlr gidc ANBK 1a hinh chir nhat.
Suyra CN=BN=AK; KB 1 BC
Goi / 1a trung diém cua BH , do M 1a trung diém doan thang CH nén MI//BC va

MI = %BC (duong trung binh cia tam giac ABHC . Vay MI /| AK , MI 1 BK va MI = AK

hay tir giac AMIK 1a hinh binh hanh va I 1a truc tam cta tam giac BMK .
Suyra IK 1 BM va AM//IK nén AM 1| BM .

Vay AAMB vudng tai M . Suyra S, ., =%AM.BM.

1 1

Theo gia thiét ta co: V ,,, =§SA.SAABM :ESA.AM.BM ; vo1 SA=AM =a va BM :ga. Suy

ra
Vs invr =1SA.SAABM =1SA.AM.BM = a—S.
3 6 9
Cau 55: (THPT Chuyen Hoang Van Thu-Hoa Binh nam 2017-2018) Cho hinh chép S.ABCD c6 day
ABCD 1a hinh chit nhat v61 AB :x/g , AD = \/5 , tam giac SAC nhon va nam trong mat
phang vudng goc véi ddy. Biét hai mit phang (SAB), (SAC) tao v6i nhau goc & théa man

tan o =% va canh SC =3. Thé tich khéi S.ABCD bang:

53

A.g. B. C. 3\3. p. 22

W | o0

Loi giai
Chon B



S
Ve iep =2V ape = 2V 54c - K€ BH vudng goc véi AC tai H.
Tacé: AC=3,BH =~2, HC=1.

tanoc—tanB/K7I—ﬁ KH—4\/_
KH 3

sm@_KH:i:coss%-l
HA 3

SC? = SA* + AC* —2A4S.4C.cos SAC => SA=2.

2\/— \/5

—23—:2
2

Seie = %SA.A C.sin SAC
. 1 8
Vay Vy pep = 2.5.2\/5.\/_ -5

Cau 56: (THPT Hau Loc 2-Thanh Hoa nam 2017-2018) Khi x4y nha, anh Tién can xdy mot bé dung
nudc mua cé thé tich ¥ = 6(m3) dang hinh hop chit nhat véi chiéu dai gip ba lan chiéu rong,
day va nap d6 bé tong, cdt thép; xung quanh xay bang gach va xi mang. Biét rang chi phi trung
binh 14 1.000.000 ¢/m? va & nip dé hé mot khoang hinh vudng co dién tich bang % dién tich
nap bé. Tinh chi phi thap nhat ma anh Tién phai tra (lam tron dén hang trim nghin)?

A. 22000000 d. B. 20970000 4. C. 209650004. D. 21000000 4.
Loi giai
Chon D
Goi d6 dai chiéu rong, chiéu cao hinh hop lan luot 1a: x,A (m)=> Chiéu dai cta hinh hop 1a:
3x.

Thé tich khoi hop chit nhat 1a: ¥V =x3xh < 6=3x’h < h= %
X

Dién tich khoi hop 1a: 2x.h+2.3x.h+2.x.3x =8xh+6x° = E +6x° .
x

Dién tich xung quanh phan xdy bang gach va xi mang la:



1
S=E+6x2—g.3x2 =E+&x2 >33 §.§.—6x2 < §2>20,96593115 .
X 9 x 3 xx 3

Téng chi phi thap nhat ma anh Tién phai tra 1a: 1000000.20,96593115 ~ 21000000 d.

Cau 57: (THTT s6 5-488 thang 2 nam 2018) Cho hinh chop S.ABCD . Goi 4', B', C', D' lan 1a trung
diém cac canh S4, SB, SC, SD. Tinh ti s6 thé tich cua hai khdi chép S.A'B'C'D' va

S.ABCD .
AL B. 1. c. L. p. L.
12 - 8 16 2
Loi giai
Chon B

C

j Vowe _S4' SB' SC'_1 Ve _S4' SD' 5C _1
Vepe SA SB'SC 8 V.., SA SD SC 8
Theo tinh chat diy ti sé bang nhau, ta c6

l — VSA'B’C’ _ VSA’C’D’ _ VSA’B’C' + VSA’C'D' _ VS.A’B’C'D'

8 VSABC VSACD VSABC + VSACD VS .ABCD
Vﬁy VSA'B'C'D' :l
VSABCD 8
Cau 58: (THTT s6 5-488 thang 2 nam 2018) Tinh thé tich khdi chép S.ABC cb6 AB=a, AC =2a,
BAC =120°, SA L (ABC), gbc giita (SBC) va (4BC) 12 60°.

A \/icf B ﬁcf C ?)x/ia3 D ﬁcf
g B— . VI CTo
Loi giai

Chon B



V3 _AB

+ Dién tich day S . :lAB.AC.sin120° 1 al2a— =—
2 2 2 2
+ Tinh chiéu cao SA4:

e Dung AH 1 BC (v61 H e BC)suyra SH L BC, do d6 goc ((m))=@=60°,
suy ra SA = AH .tan 60°

e Tinh AH :taco diéntich §,,. = %AH .BC = AH = % ma theo dinh ly ham c6sin thi

BC?> = AB* + AC* -2.4AB.AC.cos A =a’ +4a’ —2.a.2a(—%) =7a> = BC=a7,suyra

2£a2
AH =—2 =@a
a\ﬁ 7

B, i

a =——a° (dvtt).
14 ( )

ﬂ\ﬁ

+ KL: Thé tich khéi chép S.4BC 1a V = %SABC.SA =%

Cau 59: (THPT Hoang Hoa Tham-Hung Yén-lin 1 nim 2017-2018) Tir hinh vudng ¢ canh biang 6
nguoi ta cat bo cac tam gidc vudng cén tao thanh hinh t6 ddm nhu hinh v&. Sau d6 nguoi ta gap
thanh hinh hop chir nhat khong nap. Tinh thé tich 16n nhat ctia khdi hop.

A 82, B. 10V2. D. 11V2.

Chon A
bat kich thudc cac canh nhu hinh vé




Ta c6 i+yﬁ+iz=6@x+y=3ﬁ & y=32-x véi 0<x<32.

NN

Thé tich cia khéi hop tao thanh 1 1 = x’y = * (3v2 —x).

Ta c¢6 V'=3x(2\/§—x)=0:>x:2\/§.

Ta c6 bang bién thién

x |0 22 32
V' - 0 +
82

g / \

Vay: max V' =82 khi x:2\/5,y=x/§.



Ciau 1: (SGD Ba Ria Viing Tau-dé 1 nam 2017-2018) Xét t& dién ABCD c¢6 cac canh
AB=BC=CD=DA=1 va AC,BD thay d6i. Gi4 tri I6n nhat ctia thé tich khi tir dién 4BCD

bing

AR p. 43
- 27 9
Chgn A

Goi M, N lan luot 14 trung diém ctia BD, AC . Dt BD =2x,AC =2y (x,y>0).
Tacé CM L BD,AM L BD = BD 1 (AMC).

Tacd MA=MC =\1-x*, MN =1-x-y*, S, zéMN.AC zéy.wll—xz—yz .
1 5 2 (x2+y2+l—x2—y2)3
VABCDZE‘DB'SAMC 2xy\/1 x - \/x .y (l X =y )SE

27
V <—2\/§
ABCD =TT

Cau 2: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Cho khéi lang try tam gidc ABC.A'B'C". Goi M , N
lan luot 13 trung diém ctia BB’ va CC'. Mat phang (A]MN) chia khoi lang tru thanh hai phan. Goi V]

13 thé tich cha khdi da dién chira dinh B’ va V, la thé tich khéi da dién con lai. Tinh ti s6 L.
2

A. =%. B. L=2. C. L= D. L=

NS
=
S
oSS

1 5

3 2
Loi giai

Chon B



B’ (o

Goi K latrung diém ctia A4’ Va V, V p am s Vs 140 luot 13 thé tich khi lang tru
ABC.A'B'C' khéi ling tru ABC.KMN va thé tich khdi chop AMNK . Khi d6
Vo =V iscxuw = Vi -

. 1 1 1 1 1
Laico Ve :EV; V :EVABC.KMN :gV suy ra V, :EV_EVZEV tir d6 ta co

1 2
Vi=V—-=V==F.Vay 5=2.
3 3 )
Ciu 3: (SGD Ba Ria Viing Tau-dée 2 nam 2017-2018) Xét t&¢ dién ABCD c¢é cac canh
AC=CD=DB=BA=2 va AD, BC thay déi. Gia tri I&n nhat cla thé tich t&r dien ABCD bang

A 163 g 323 c 16V3 o, 323
9 27 27 9
Loi giai
Chon B
A
M
B D
N
C

Goi M , N lan lugt 1a trung diém ADva BC.
Theo gia thiét ta c6: ABD va ACD 1a cac tam giac can c6 M 1a trung diém ctia 4D nén
BM 1 AD va CM L AD = AD 1 (BMC). Vacé BM =CM = AMBC can tai..

BC?

Trong tam gidc AMBC c6 MN vira 1a dudng cao vira 1 trung tuyén nén MN* = MB* —

2 2 2 2
4 4 4
2 2
Khi d6 dién tich tam gidc AMBC 1a S,y = %MN.BC - %BC. 4-ADEBC ZBC




2 2
Thé tich tir dién ABCD 13 V., = %.AD.SAMBC - %.BC.AD. 4 AP +BC

2 2
bat AD=x, BC=y taco: V ., =%.x.y.1/4—x Zy .

2 2 2 2
+ +
Ta co: x2+y222xy<:>u2%<:>—%ﬁ—%_

1 Xy 2 2 L

Do doé: VABCDSE'x'y' 4_? QVABCDS? (xy) (8_x)’).Dﬁubéngxéyrakhi X=Y,
3

Xy Xy

7+?+8—xy :4.83.

3 27

Ta lai c6: (xy)2 (8—xy) = 4.%.%.(8—)@/) <4,

Dau bang xay ra khi %:S—xy @xyz%@xzyz

NeL

Vay gié tri 16n nhat ctia thé tich khéi tir dién ABCD 1a maxV ., =

V2 (48 3243

6\ 27 27

Cau 4: (SGD Ba Ria Viing Tau-dé 2 nam 2017-2018) Cho hinh chép S.4BC cé canh bén SA4 vudng géc véi
day, AB=a, BC= aﬁ, SC =2a va A/S\C =60°. Tinh ban kinh R cla mat ciu ngoai ti€p t& dién

S.ABC.

A.R=a. B.R:“*f. C. R=a\3. D.R:%.
Loi gidi

Chon A

Ac _4c =sin60°:£:AC=ax/§.

SC  2a 2

Dodé AB*> +BC? = AC* = AABC vudngtai B.

Goi P latrung diém cla canh AC thi P |a tdm dudng tron ngoai tiép AABC.
Goi O la trung diém cla canh SC = 0S =0C.

Tacd OP//SA ma SA L (ABC) =0P_L (ABC) .

Do dé OP |3 truc dudng tron ngoai ti€p AABC = 0OA=0B=0C.

Tacod sinA/S\C =



Nhu‘véyR=OA=OB=OC=OS=%SC=¢1.

CAu 5: (THPT Ha Huy Tap-Ha Tinh-lan 2 nam 2017-2018) Cho hinh chop S.ABC c6 ddy ABC la tam
giac déu canh bang a, tam gidc SAB cantai S va nim trong mit phing vudng goc voi day, SC
hop vé6i day mot goc 30°, M 1a trung diém ciia AC. Tinh thé tich khéi chop S.BCM .

3 3 3 3
A P37 B, B3 c. B3 p. P3¢
- 48 16 96 24
Loi giai
Chgn A
S
A C
B
Goi H la trung diém ctia AB . Theo baira SH L (ABC).LSCH =30°
CH =3 Xet tam gide SCH ta c6 SH = CH.tan 30° :ﬁ.l .
2 2 3 2
2
Dién tich tam giac ABC la a f .
1 a*3 a_ a’f3 1 a3

Vs apc :E- 4 9 4 Vs sem :E'VS.BCM :4—8

Cau 6: (THPT Ly Thai T6-Bic Ninh-Ian 1 nam 2017-2018) Cho diém M nam trén canh S4, diém N
nam trén canh SB ciia hinh chép tam giac S.ABC sao cho % = % , % = 2. Mit phang (a)
qua MN va song song véi SC chia khbi chop thanh 2 phan. Goi v, 1a thé tich cua khdi da dién

, \ R .7 5 A [N \ . , A V
chira 4, V, la thé tich ctia khoi da dién con lai. Tinh ti s6 —?
2

:4. E. :é. C-
4

A. —
5

S
oS
S

=2 D.
6

S
Ln_l ()

Loi giai



Chon B

e Trong mat phéng (SAC ) dung MP song song voi SC cit AC tai P. Trong mat phfmg
(SBC) dung NQ song song véi SC cét BC tai Q. Goi D la giao diém ctia MN va PQ.
Dung ME song song v6i AB cit SB tai E (nhu hinh v§).

o TathA'SE w1 = SN =NE = NB:lSB
SB SA 3 3
Suyra N la trung diém ctia BE va DM , dong thoi DB:ME:lAB :%:l, ﬂ:l
3 A 4 DM 2

Do NQ//MP:DQ DN l

DP DM 2
* Nhén théy: Vi=Voampr — VDABNQ‘
Vpavo _ DB DN D_Q 111 1 1 15 15

. . =— = =—V =V ="V =y )
Vo T DADM DP 4722 16 oo =g v = M= e Vo =0 Vi

N;DB
e Do NQ//SC= 95 _NB_ ljuzﬁzl d(Q;DB)zl.d(C;AB)
CB SB 3 d(Ci4B) CB 3 3
1 11 1 1
DSQDB:E'd(Q;DB)‘DB :E gd(C AB) 3AB_9SCAB:>SADP:§'SABC

Va d(M;(ADP))z%d(S;(ABC))

1 12 8 16
=V o g.al(M;(ADP)) SADP:E.Ed(S;(ABC)) §SABC E.VSABC
15 16 5 4
Vl 16'2_7‘VS4ABC §VSABC:>V2 VS.ABC Vl §VSABC
Véy5=§-
v, 4



Cau 7: (THPT Phan Chau Trinh-DakLak-lan 2 nam 2017-2018) Cho hinh chép S.ABCD c¢6 day ABCD la
hinh vuéng canh a .Hai mit phang (S4B) va (SAD) clng vudng goc véi ddy, biét SC = a3 .
Goi M, N, P, Q lan luot 1a trung diém cac canh SB, SD, CD, BC. Tinh thé tich khdi
chop AMNPQ .(G6 thiéu yéu cau dé bai)

3 3 3 3
AL B. L. c. L. p. L
3 4 =g 12
Loi giai
Chgn C

Goi F=PQN AC.Déthay AF 1 PQ.

Mit khac do (MNPQ) // SC nén(SAC)N(MNPQ)=EF (EF // SC;F € S4).
Dung AH L EF .DoPQ 1 (SAC) nén PQ 1 AH .

Suyra AH L(MNPQ) => AH =d(4;(MNPQ)).

Ta co6: AE:%AC=3a\E; AF:%AS:% SC?* - AC? :%1

AF? AE* a6
AE’ + AF* 4
Mait khac do BD L SC nén PQ 1 OM suy ra tt giac MNPQ 1a hinh chit nhét.

a*\6
4

Suy ra: AH =

Sypo = MO.OP = %BD.SC =

R 1 a’
Vay VAAMNPQ = EAH ‘SMNPQ =

Cau 8: (THPT Kinh Mén-Hai Duong I4n 1 nam 2017-2018) Cho hinh chép tir gidc déu S.ABCD, M
1a trung diém ctia SC . Mit phang (P) qua AM va song song v6i BD cat SB, SD tai N, K.

Tinh ti s6 thé tich ctua khdi S.ANMK va khdi chop S.ABCD .
A2 B L c. L D3>
9 — 3 2 5
Loi giai
Chon B



D A
Goi H 1a tdm hinh vuong ABCD, E=SH N AM = E latrong tam ASAC

SE SK SN 2 Ve SASKSM 21 1 1
> —=—="=2_Tach) 24" = == ===V s ==V anen
SH SD SB 3 Vs inc SASD.SC 32 3 ' 6
Tuong tu M = l = Vs awm = lVS.ABCD .
S.4BC 3 6
N 1 1 1
Tu dd VS.ANMK = VS.ANM + VS.AKM = gVSAABCD + gVS.ABCD = EVS.ABCD .

Cau 9: (THPT Chuyén Lam Son-Thanh Hoa-lan 2 nam 2017-2018) Cho kh&i hép ABCD.A'B'C'D' c6
day Ia hinh ch¥ nhat véi AB =+3; AD=+/7. Hai m§t bén (ABB'A’) va (ADD'A’) cing tao voi
déy géc 45°, canh bén cla hinh hép bang 1 (hinh v&). Thé tich khéi hop la

C!

A AT D. 74/7.

Chgn A



D
Goi H 1a hinh chiéu vuong goc cia 4’ 1én mit phang (ABCD) ;

ke HK L AB, HI L AD thi ((ABB'A"),(ABCD))= HKA' i ((ADD'A’),(4BCD))= HIA

Theo gia thiét, ta c6 HKA' = HIA' = 45° = AHKA' = AHIA' = HI = HK
= tir gidc AIHK 1a hinh vudng canh a, (a > 0) = AH =a 2
Tam giac A'HK vudngcantai H ¢c6 HK =HA'=a
Tam gidc AHA' vudng tai H c¢6 AA” = AH*> + AH®
2
<:>a2+(a\/§) =1 <:>a=L 3A'H=L.

V3 V3

s , 1
Khi do VABCD.A’B’C’D’ = SABCD AH < Viscp apon = ﬁ\/gﬁ < VABCDAA’B’C’D’ = ‘/7 .
Cau 10: (THPT Hong Linh-Ha Tinh-lIan 1 nam 2017-2018) Cho hinh chép S.4BC c6 S4, SB, SC
d6i mot vuoéng goc voi nhau va SA=SB=SC=a. Sin cia goc gitra duong thang SC va mat
phang (ABC) bang

N B V2. c L. D. =
3 2 3 J6
Loi giai
Chon C
C
K
A
F
B

Trong tam gidc ABC ké dudng cao AK va CF va AK WCF ={E} nén E la tryc tAm tam
giac ABC.



= SC L (S4B) hay SC L 4B

Ma CF L AB nén AB L (SCF)=> AB L SE. Chimg minh tuong tu ta duoc
BC L (SAK) = BC L SE. Vay SE L(4BC).

Ta c6 CE 1a hinh chiéu cia SC 1én mit phang (ABC).

(SC,(A4BC)) =(SC,CE) = SCE

Ta c6 tam giac SCF' vudng tai S nén 12 = 12 + 12.Mat khac tam giac SAB vudng tai
SE° SC° SF
S nén 12= 12+ 12.Suyra 12= 12+ 12+ 12<:> 12=%<:>SE:i.
SF* SA4*> SB SE> SC* SA* SB*>  SE’ a NE)

SE a1

SC ﬁ ta = ﬁ

Cau 11: (THPT Lé Quy Don-Hai Phong Ian 1 nam 2017-2018) Cho t& dién déu cé canh bang 3. M 13 mot
diém thudc mién trong cla khaéi tir dién twong &ng. Tinh gia tri I&n nhat cla tich cac khoang céch tur
diém M dén bon mat cla t& dién d3 cho.

sinS/C\E =

9 J6
A. 36. B. —. C. 6. p. .
~ 64 4
Loi giai
Chon B
Goi 1, 1y, 1y, r, 1a khodng canh tir diém M dén bdn mit cua ta dién.
9J§

Goi S 1a dién tich mot mat cua tt dién= S =

Duong cao ctua trdién 1a £ = (\/—) \/_

19\/_f 9\/_

Thé tich cua tir dién 1a V—%Sh_— -

92 9\F 4

< s , 1
Mait khac, ta co VZE.S.(r1 +r2+r3+r4)=—4 =S>n+rn+rn+r=3.—— 9\/,

. 9
A — 4 _
Lai co \/g—l’i+7‘2 +r+r 24y SRy S o

Cau 12: (THPT Lé Quy Don-Hai Phong 1an 1 nam 2017-2018) Cho hinh chép S.ABCD cé ddy ABCD la
hinh vuéng canh a, canh bén S4 vudng géc véi mit phang day. Goi M 13 trung diém cla CD . Biét

. . 3 . , y
khoang cach giita hai duong thang BC va SM bang a . Tinh thé tich cua khoéi chép da cho theo

a.

NG a3 a3 NG
EALl ) =, B

Chgn C



0\/»4
5 c
Goi N la trung diém cta AB = BC//(SMN)).
= d(BC,SM)=d(BC,(SMN))=d(B,(SMN))=d(A,(SMN)).

Dung AH vudng goc voi SN tai H = AH L (SMN).

Viy d(A4,(SMN))= AH = “43 .
Lai c6, trong tam giac vuéng SAN : ! > = ! -+ 12 = S54= a\/g.
AH® AN- AS 2
1 , a3 &3
Vay V. =— g2 = )
Ay Vs apcp 3 5 6

Cau 13: (THPT Lé Quy Don-Quang Tri-lan 1 nam 2017-2018) Cho hinh lang try ABC.A'B'C" ¢6 day
la tam giac déu canh a. Hinh chiéu vuéng goc ciia diém A’ 1én mit phang (ABC ) trung voi

a3

3
1

trong tam tam giac ABC. Biét khoang cach giira hai duong thang 44’ va BC bang

Tinh thé tich V' ciia khi lang try ABC.A'B'C’.

a*\f3 a*\f3

A-V= . B,V:
6

3 3
C.V=“‘/§. g.V:“‘/g.
3 24 12

Loi giai

Chon D



Goi M la trung diém ctia BC. V& MH 1 A4’ (H € BC).
Taco AM LBC, AG L BC = BC L(A'AG) = BC L MH = d (A4, BC)=MH |

2 2
AH =AM —mm” = |24 34 _3a
416

a~'3 a\/g
Taco YH _AGC _nGa = ag=-MHAG __4 3 _a
AH AG AH 3a 3
4
a’3 3_(13\/3

Vay V=S, AG=
il ABC 4 '3 12

Cau 14: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Cho hinh chép S.4BCD c¢6 day la hinh
thang vuong tai 4 va B. Hinh chiéu vudng goc cua S trén mat day (ABCD) tring v6i trung
diém AB.Biét AB=a, BC=2a, BD =a+10 . Géc giita hai mat phang (SBD) va mat phing
day 1a 60°. Tinh thé tich I/ ctia khdi chop S.ABCD theo a.

3 3 3 3
A.V:3@a . B.V:‘/%“ . C.V:ma . Q.V:@a .
8 4 12 8
Loi gii

Chon D



Cau 15:

Tacd AD =~/BD* — AB* =3a.

Goi H 1a trung diém 4B thi SH 1 (ABCD), ké HK L BD (véi K € BD ), taco SKH 1a goc
giita (SBD) va (ABCD), do d6 SKH = 60°.
Goi AM 1a dudng cao cua tam giac vuong ABD . Khi do, ta cé:

AB.AD  a.3a AM _ 3a

AM = suy ra HK = = ,
BD a0 \/7 Y 2 2o
Do do: SH:HKtan@:?’—a,tanéoO:M_
2410 2410
Vay nén:
Vs ascn =%SABCD.SH =§ %(ADJrBC) AB.SH
3
= l(3a + 2a).a. 3a\/§ = \/ﬁa .
6 210 8

(THPT Phan Dinh Phung-Ha Tinh-lin 1 nam 2017-2018) Hinh chép S.ABCD c¢6 day
ABCD 12 hinh vuéng canh a, SAB la tam giac can tai S va nim trong mit phing vudng goc

voi day (ABCD). Biét cosin cta goc tao bdi mat phang (SCD) va (ABCD) bang g
Thé tich V cia khdi chop S.ABCD 1a
3 3 3 3
Lyoas gy T .y D,y 913
- 6 6 2 2
Loi giai

Chgn A



Goi H 1a trung diém 4B = SH L (ABCD), K la trung diém CD = CD L SK

—  HK a17
2

Ta c6 ((SCD),(4BCD))= (SK,HK)=SKH . cos SKH = =K =

R 1 a\/ﬁ a3\/B
Vay V=§.SH.SABCD=§. 5 a’= .
Céu 16: (THPT Chuyén Thai Binh-lin 4 nim 2017-2018) Khdi chop S.ABCD c6 déy 1a hinh thoi

canh a, S4=SB=SC =a, canh SD thay d6i. Thé tich 16n nhat ctia khdi chop S.ABCD 1a

= SH =

a13
2

—

3 3 3
AL B. L. c. 3. D. &
2 8 8 4
Loi giai
Chon D

Goi  1a thm hinh thoi ABCD, H 1a hinh chiéu cta S 1én mt phing (ABCD).

Ta cb6 SA=SB=SC nén hinh chiéu vudng goc ciia S xudng mit phing (ABCD) trung voi
tam duong tron ngoai tiép AABC hay H e BI .

Co SI* =SA*> —IA*> =a’ —IA*, IB* = AB*> —IA* =a’ — IA’suy ra SI = IB. Khi d6 tam giac
SBD vuodng tai S .

Hodac AABC = AASC = AADC (c—c—c) nén IB=1S=1D, do d6 ASBD vuoéngtai S.

Gia sit SD =x.Tacé SB.SD=SH.BD <> ax=SH.BD < SH = %

1 1

= SH.Z ACBD = ax

Taco ¥V, —l
"BD 2

SABCD

AC.BD =%ax.AC

(.»JI»—



2 2

2 2 2 2
a +x a +x 3a°—x

Tacod BD* =SB> +SD* =a” +x* suyra IB* = =4 =d PR

2.2
Suyra AC=2I4 =2 3a4x =+3a*-x’

1 2 43a” —x’
VSABCDZEGX-MS%_%Z%

Vay thé tich I&n nhat cla khéi chép S.ABCD 13 %.

Céu 17: (THPT Chuyén Thai Binh-1an 4 nim 2017-2018) Cho hinh ling try tam giac déu A4BC.A'B'C’
c6 tat ca cac canh bang a. Khoang cach tir 4 dén mit phang (A’BC ) bang

a3 ax/ﬁ aN6

w2 B. &2 C. . p. &%
2

A.

4 = 7 4
Loi giai

Chon C

A'E 1 BC
AE 1 BC

K¢ dudng cao AH (H € A'E)= AH 1 (A'BC)

AL AE
d(A,(ABC)) = AH = | _
=d(4.(45C)) AL+ AE

Ciu 18: (THPT Chuyén Hung Vuwong-Phti Tho-lin 2 nam 2017-2018) Hinh lang tru dung
ABC.A'B'C' ¢6 dién tich day bang 4, dién tich ba mat bén lan lugt 1a 9, 18 va 10. Thé tich
khdi lang truy 4BC.A'B'C’ bang

Goi E 1a trung diém cta BC. Ta ¢6 { = (A'AE) L (A'BC)

4f [
A. 11951 . B. 112951 . C. J11951. D. 112951 .

Loi giai



Chon D

A' BV
C'
X
c B
A
b a
C

bat AA'=x, AB=c,AC=b, BC=a.
xc=18 c=2b
Taco: yxb=9 = 10

xa =10 az?

Talai 6 S, =4 < p(p-a)(p-b)(p—c) =4, voi p:a+§+c:i>_;

N ﬂb(ﬂb—mb](ﬁb—b (ﬁb—ij=4
18 L1879 JL18 18

o p 1296 Suyrax—‘/“%l
J11951° '

V11951

Vay thé tich khdi lang tra ABC.A'B'C": V = AA'.S ;. = —

Cau 19: (THPT Nguyén Trai-Da Nang-lan 1 nam 2017-2018) Cho hinh lang tru ABC.A'B'C’ ¢6 thé
tich bang 48cm’. Goi M, N, P theo tht ty 13 trung diém cac canh CC’, BC va B'C’, khi d6
thé tich ¥ cua khdi chép 4. MNP 1a

A. Ecmg’. B. 8cm’. C. 24cm’. D. 12cm’.

Loi giai

Chon B



B
Ta co:
1 , 1 2
T Vyape = gSAABC d (A > (ABC)) = EVABCA’B’C’ =V peew = EVABC.A’B’C’

1

1 ! ! ! !
TV awe = ESAMNP-d (A ’(MNP)) = Sppecd (A > (BB C C)) = ZVACBB'C'C

11
34

. 1 1 \ r [ IYall
(Vi Sunp =5 Secon =7 Smec VA d(A4',(MNP))=d(4',(BB'C'C)))

gcm’.

1
Suy ra: Ve = gVABCA'B'C' =
Ciu 20: (THPT Lé Xoay-Vinh phtic-1an 1 nam 2017-2018) Cho hinh chép S.4BC c6 tam gidc ABC
vuong can tai B, AB=a.Goi I la trung diém ctia AC . Hinh chiéu vudng goc ctia S 1én mat
phing (4BC) la diém H thoa man BI =31H . Géc giita hai mat phing (S4B) va (SBC) la
60°. Thé tich cua khdi chép S.4BC la

3 3 3 3

Av=2L. B. V=%, c.r=2>. p.v=2.
9 6 18

Loi giai

Chgn A

Cach 1:



D@ thay hai tam giac SAB va SAC bang nhau ( canh chung SB), goi K la chan duong cao ha
tr A trong tam giac SAB suy ra ((S4B),(SBC))= AKC.

THI: AKC = 60° két hop 7 14 trung diém AC suy ra IKC =30°.

Ta o IBzIC:%:a;E, BH:%BI:za;/E.

Tir gia thiét tam giac ABC vudng can tai B ta duwgc AC L Bl = IC L IK .

Trong tam giac /CK vuong tai I co tan IKC _K < IK = c__ av6 .
K tan 30° 2

Nhu vay IK > IB (0 1y).

TH2: AKC =120° tuong tu phan trén ta co tanIK/\C=£<:> IK = c = a6 .
IK tan60° 6
Do SB 1 (AKC)= SB L IK néntam giac BIK vudngtai K va BK =+IB* - IK’ :#.
Nhu vay tam gidc BKI dong dang v6i tam gidc BHS suy ra: SH = H;IliH = 23_a‘
2 3
Vay thé tich ctia khéi chép S.4BC 1a V, . = %"72?" = % .

Céch 2: dung phuong phap toa do hoa.

Cau 21: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Cho hinh 13p phuong ABCD.A'B'C'D' ¢6
canh bang a . Khoang cach tir diém A dén dudng thang B'D’ bang

A. “\/5. B. “\/g. C. “‘/g. D. "‘/g.
2 3 2 3
Loi gii
Chon C

Do ABCD.A'B'C'D' 13 hinh lap phuong canh a nén tam gidc AB'D' 1a tam giac déu c6 canh

(23 _avs

bang a2 . Khoang cach tir diém 4 dén dudng thang B'D' 1a A0 = 5 )

Cau 22: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Cho hinh chép S.4BC c6 day 1a tam giac
ABC vuéng tai B, AB=a, BC =2a. Tam gidc SAB cin tai S va nam trong mit phang
vuong goc véi day. Goi G 1a trong tim tam gidc ABC, mit phang (SAG) tao voi ddy mot goc
60°. Thé tich khéi tr dién ACGS bang



1 2
Taco: S, = %.AB.BC == Suico =3 Suc = %
Goi H 1a trung diém cia 4B = SH L (A4BC).
Goi N l1a trung diém ctia BC, I 1a trung diém cia AN va K 1a trung diém cia A7 .
Taco AB=BN=a =Bl L AN = HK 1 AN.

Do AG L (SHK) nén goc gitia (SAG) va day 1a SKH = 60°.

Ta co: BI:lAN: av2 :>HK=1BI: av2 , SH:SK.tan60°:&.
2 2 2 4 4
R 1 asx/g
Vay V = Vices =Vs.aco :§~SH~SAACG :?~

Céu 23: (THPT Ping Thiic Hira-Nghé An-lan 1 nim 2017-2018) Cho ling tru ABC.A,B,C, c6 dién
tich mit bén ABB, 4, bang 4 ; khoang cach giita canh CC, va mit phing (ABB, 4,) bang 7.
Tinh thé tich khéi lang tru ABC.4,B,C,.

A. 14. B.ﬁ. C.E. D. 28.

3 3

Chgn A



Cau 24:

Goi thé tich lang try ABC.AB,C, 1a V' .
Ta chia khoi lang tru thanh ABC.4,B,C, theo mit phang (ABC, )dugc hai khi: khoi chop tam
giac C.ABC va khéi chop tir giac C,.ABB,A4,

. 1 2
Taco VC1~ABC = EV = VCpABBlAl = EV
. 1 1 28 .. 28 3
Ma VCI.ABBlAl = E'SABBIAI d(A,(ABBlAl)) = 547 = ? Vay |14 :?5 =14

(THPT Chuyén Ha Long-Quing Ninh lan 2 niam 2017-2018) Cho ling tru tam giac
déu ABC.A'B'C’ canh day bang a, chiéu cao bang 2a. Mit phang (P) qua B' va vudng goc
véi A'C chia lang try thanh hai khéi. Biét thé tich ctia hai khéi 1a ¥V, va ¥, véi V, <V,. Ti s6

4 bang
£
A= B. L. c. L D. L
47 23 11 7
Loi giai

Chon A

A’ B’ A H (C

N7
I E
1
A B

C 4 ¢
Goi H la trung diém ctia A'C’, giac AA'B'C' déunén B'H L A'C'.
Trong (A'C'CA),ké HE L A'C, HENA'A=1.

Taco: {B TLAC | per 1 (BHI) = (P)=(BHI).

HI 1 AC
AA'EH # AA’C’C:>£:£:>A’E:AC'AH:W/§,
AH AC A'C 10
AA'IH # AA’C’C:>£:£:>IH:AC'AH:‘1\/§_

AH C'C c'C 4



2
S,y =~ BH.HI =4
16
1 1 a5 a5 @B
V, ==y, AE =—. . = .
3 3716 10 96
, a3 a3
Viscape =Spe-AA= 2a = .

4 2

47 v, 1
V,=—a’\/3 dodd —L=—.
296 Vv, 47

Céu 25: (THPT Chuyén Phan B6i Chau-lin 2 nim 2017-2018) Cho hinh chép déu S.4BC c6 day la
tam giac déu canh a. Goi E, F lan luot la trung diém cua cac canh SB, SC . Biét mat phéng
(AEF ) vudng goc voi mit phang (SBC ) Thé tich khdi chop S.ABC theo a bang.

3 3 3 3
_.a‘g. B.a‘g. C.a‘g. D.“ﬁ.
24 8 24 12

Loi giai
Chgn A

Goi M 1a trung diém BC, N la trfng diém SM .

G la trong tim tam gidc 4BC = SG L (ABC)
(AEF) L(SBC)
(AEF )N (SBC)=EF = AN L (SBC)= AN L SM .
AN L EF

Tam gidc SAM cantai A, AN la trung tuyén dong thoi la dudng cao.
Suy ra SAM vudng can tai A

Suyra SA= AM_“‘/_ AG—EAM——
[
SG =~/SA4* - AG* = 31——
31 o V3 _a'Vs

Thé tich khdi chop S.ABC 1a V =—

a . —=
12 2 2 24

Cau 26: (THPT Chuyén Tran Pha-Hai Phong-lan 2 nam 2017-2018) Cho hinh chép S.ABCD c6 day
ABCD |a hinh thang vuéng tai 4 va D, AB= AD =2a, (P) Goi I 13 trung diém canh AD, biét



Cau 27:

3\/Ea3

5

hai m3t phang (SBI), (SCI) cling vudng géc véi day va thé tich khéi chép S.ABCD bang

Tinh gdc gitta hai mat phang (SBC), (ABCD).

A. 30°. B. 36°. C. 45°. D. 60°.
L& gidi

Chon D

Dién tich hinh thang S ., = %AD(AB +CD) = %241.3(1 =3d>, CB=AC=a"5.

3 3J154°
Do dai duong cao SI = Vsneo _ S 315a .

2
ABCD 361 5

V& IH L CB tai H = BC L(SIH)= BC L SH.

—_—

Ta o6 ((SBC),(ABCD)) = (IH.SH)=SHI .

2 2
Sics =S nen —Spe =S g = 30" —%—az :3% — IH.CB=3d" = IH = 3“5*/5 .
3a\/B
tan.gl_-l\I:ﬂ:L:\/g = SHI = 60°.
IH ~ 3a5
5

(THPT Chuyén Tran Phu-Hai Phong-lin 2 ndm 2017-2018) Cho hinh lap phuong
ABCD.A'B'C'D’ c6 canh bang 2. Cat hinh 1ap phuwong bdng mot mit phang chira dudng chéo AC'.
Tim gia tri nhd nhat cha dién tich thiét dién thu duoc.

A. 246. B. /6. C.4. D. 42.
Loi gii
Chgn A



B' ¢

A ("

Goi (H ) 1a thiét dién cua hinh 1ap phuong va mit phing (a) chtra AC'.
+ Truong hop (H) c6 mot dinh thudc canh BB’ hodc DD'.
Giao tuyén ciia (a) va (4'B'C'D') 1a dudng thang d , hinh chiéu vuong goc cia 4’ 1én d 1a
diém H . Khi d6 goc gitta (@) va (A'B'C'D') 1a AHA'.

. A g1 - . A4 AA" = . T
Vi AH 1d nén /H<AC' dodb sine=—->——=sin AC'A", do @6 cosa <cos A'C'A

AH AC’

Hinh chiéu vudng goc ctia hinh (H) 1én (A'B'C'D') 1a hinh vuéng 4'B'C'D’, do d6 dién tich
S

hinh (H): S, e =S, = —ABCD

(11)-COS A& = S

)" cosar

NG

Dién tich thiét dién nhé nhit khi cosa 16n nhit, tirc 13 cosa = cos 4'C'A = = . Khi d6 dién

B

tich can tim 1a S(H) = ﬂ = 2\/6.

V2

+ Truong hop (H ) ¢6 mot dinh thudc canh CD hodc A'B’, chon mit phéng chiéu 1a

(BCC'B'), chimg minh tuong tu ta cling c6 S = M, min S|, = 26 .
cos o

+ Truong hop (H) c6 mot dinh thugc canh BC hodc A'D’, chon mat phang chiéu 1a
(BAA'B'), chimg minh tuong ty ta ciing c6, min Sy = 26 .
Ciu 41(SGD Phti Tho — I4n 1 - nim 2017 — 2018) Cho hinh chép S.4BCD c6 day 1a hinh thoi canh bang

a, ABC=60°, SD L (ABCD) va (SAB) L (SBC) (tham khao hinh v&). Khodng céch giita hai
duodng thang SA va BD bang



Aax/42 aN42
T CTo
Chon B
S
\
\
\
\
\
\
\ K
\
-7
H \\ ’,//
VA - / B
B i iutn ket
="~ / -
e~ - /// \> -
"—’ ~
’:—”’ 1 RN
D C

Goi I = ACABD. Dung IK 1 SB(K e SB) = ((S4B),(SBC)) = AKC = 90°.
Dung hinh chit nhat A/DE .

Ta c6: BD//AE = BD//(SAE)=> d (BD;SA)=d (BD;(SAE))=d(D;(SAE)).
Dung: DH L SE (H € SE)

Vi{AE ED e (SED)=(SEA) L (SED) = DH L (SEA)=>d(D;(SEA))=DH .

AE 1 SD
SD_ DB
IK KB

Ta co: ABKI# ASDB =

Véi: KI:%AC:%; BD=a3: KB=IB*—IK* = “*2/5 — SD =

1 1 1 4 4 14 aN42
S = -+ s=—+t— :—Z:DH: .
DH DE- SD a- 6a 3a 14

_a\/ﬂ
14

Trong tam giac SED co

Vay: d(S4;BD)

Cu 28: (SGD Phii Tho - lan 1 - nam 2017 - 2018) Cho hinh chép S.4BCD c6 SC=x (0<x<3),
cac canh con lai déu bang 1 (tham khao hinh v&). Biét rang thé tich khdi chép S.4BCD 16n

nhét khi va chi khi x = % (a.b€Z"). Ménh d& nao dusi day ding?



A. @ -2b<30. B. @’ —8h=20. C.h—a<-2. D. 2a-3b*=-1.

Chon B

Goi H 1a hinh chiéu cta S 1én mit phing (4ABCD), vi SA=SB=SD nén H € A0 véi O 1a
trung diém ctia BD

Ta xét hai tam giac SBD va ABD c6 canh BD chung, SB= AB, SD = AD nén

ASBD = AABD suyra AO =S50 =0C do d6 ASAC vudng tai S .

2\ (2 _ .2
Ta c6 AO:%AC:% 1+x° :Bozﬁ:&ww: (1+x 3(3 ¥) (0<x<+3)

Mit khac SH = $45¢ X
Jsar1sct A1+ x?
R 1 x° (3 —x’ ) 1
Vay Vg ipep = ESH-SABCD = T < Z .
Thé tich khbi chop S.4BCD 16n nhat khi va chi khix® =3-x* < x= g-

a S 2-81)—20
Va .duyra a .

Cau 29: (THPT Yén Lac — Vinh Phtic — 1an 4 - nam 2017 - 2018) Cho t& dién ABCD co6
AB =CD=6(cm), khoang cach gitta AB va CD béng 12(cm), géc gilta 4B va CD bang
30°. Tinh thé tich khéi t&r dién 4BCD .
A. 36(cm’). B. 25(cm’). C. 60(cm’). D. 32(cm’).

Loi giai



Chgn A

(’1
Dung hinh lang try AEF.BCD suy ra EC = AB=CD =6(cm)
Goc giita hai duong thang 4B va CD bang goc giita EC va CD va bang 30°
Goi H 1a hinh chiéu cta 4 1én mit phang (CDFE)
Taco d(AB,CD)=d(AB,(CDFE)) =d(A,(CDEF))= AH =12(cm).

Suyra V, prp = % AH S, ., = % 12.EC.CD.sin(EC,CD) =72(em’).

i 1
Taco Vpep = E Ve sep »

mat khac V., +V

asep tVacore =V agr sep -
1
Suyra Ve, = EVACDFE = 36(cm3) :

Ciau 30: (THPT Quang Xwong I — Thanh Héa — nam 2017 — 2018) Cho hinh lang tru ABC.A4'B'C’
c6 thé tich béng 6a’. Cac diém M, N, P lan luot thudc cac canh A4', BB', CC' sao cho
AM :l, BN _ CP _2 Tinh thé tich V' cita da dién ABC.MNP
AA" 2 BB' CC'" 3
A. V'=£a3. B. V'=ia3. C. V'=Ea3. D. V’=£a3.
27 16 3 18

Loi giai

Chgn C




Cach 1:
Lay diém Q € 44’ sao cho PQ//AC .

Ta co MQ:AQ—AM:%AA’.

x4z 2 1
De thay Ve = E'VABCAA'B’C’ > VMAQNP = E ABC.A'B'C' *
R , 11 11
Vay V' =V e me — VMAQNP = EV = ?a3 :
Cach 2:
V.

MNPA'B'C’ :l(A'M_,_B'N_,_C'Pj:l(l_;_l_klj:l
Vipense 3\ A4 BB CC) 3\2 3 3) 18
11 11
JRN— :_a3

7
= VABCMNP = (1 _QJ VABCA’B’C’ = 18 3

6a°

Cau 31: (SGD Bic Giang — nam 2017 — 2018) Cho hinh chép S.ABC c¢6 S4=SB=SC =3, tam giac
ABC vuong can tai B va AC =24/2. Goi M,N lan luot 1a trung diém cua AC va BC. Trén
hai canh S4, SB lay cac diém P, Q twong tng sao cho SP=1, SQ =2. Tinh thé tich ¥/ cia
ta dién MNPQ .

av-LL By -3 cy-¥t p B
18 12 12 144
Loi gidi
Chgn A
Tacd SA=SB=SC, MA=MB=MC = SM 1L (ABC)
Cach 1:

Lay diém R € SB sao cho SR=1.
Goi dy, dy, d, lan luot la khoang cach tir S, R, O dén mit phiang (ABC)

2 1
=d, :Eds; dQZEdS.

Ta co £=&=12>PR//AB = PR // MN .
SA SB 3
, 1 11 1 1
Do do6 VPMNQ = VRMNQ = VRMN _VQMNB :gSMNB (dR _dQ) ZE‘ZSABC‘EdS :gswc-ds
Véi S 0 = %AB.BC =2, d;=SM =~7.Suyra Vpy, = % (dvtt)



Cach2: Taco AB=BC =2, SM =+/7.
Chon h¢ truc Oxyz nhu hinh vé.

Tacé: B(0;0;0), 4(2;0;0), C(0;2:0), N(0;1:0), M (11;0), S(1;1+7)

A(2
Tz%SA:P(%%iJ Q —BS Q(lli]

3’37 3
Ta c6: NM =(1;0;0), NO =| - —3 ﬂ , NP = i;—l;ﬂ
373 37373
. J7 02
— | NM; N 0—— _=
(73] 0.1+
Suy ra Vyp0 = é‘[W;NQ NP‘ ——%:T\/Z(dvtt).

Ciu 32: (Chuyén DB Song Hong —Lan 1 nam 2017 — 2018) Cho hinh lang tru ding ABC.4'B'C’ ¢6
day la tam gidc ABC vudng céan tai 4, canh BC = a6 . Goc gilta mit phang (AB’C ) va mat
phang (BCC'B') bing 60°. Tinh thé tich V' cta khoi da dién AB'CA'C’.

3 3 3
A. &3, g, 303 c. @3 p. Y3
2 2 3
Loi gii
Chgn A
A (64
B.f
H
e 60
T et A O
~ M
B

Khéi da dién 4B'CA'C' 1a hinh chép B'.ACC'A’ ¢6 A'B' L(ACC'A').



Tir gia thiét tam gidc ABC vudng can tai A, canh BC = a6 ta suyra AB=AC = a3 .

Goi M 14 trung diém cia BC, suy ra AM 1 BC va AM :%.
= AM 1 (BCC'B')= AM L B'C (1).

AM 1 BB’

Goi H 1a hinh chiéu vudng géc cia M 1én B'C,suyra MH 1 B'C (2).
Tur (1) va (2) tasuy ra B'C L (AMH). Tir 46 suy ra goc gifta mit phang (A4B'C) va mit phang

) {AM 1L BC
Ta co

(BCC'B') 1a goc gitta AH va MH . Ma tam gidc AMH vudng tai H nén = AHM = 60°.

a6 1 _a2
2 'f3o2

= MH = AM .cot60° =

Tam giac B'BC ddng dang véi tam gidc MHC nén suy ra sin HCM = % =2 - L

| 1 3 — 2

— = =—=tanMCH = —
1-sin® MCH _1 2 2
3

:>1+tan2ﬂﬁz

— BB' = BC.tan MCH = a\@g —a3

=V wewe =V acew = %B’A’.AC.AA’ = %.a 3.a\3.a3=d'\3.

Céu 33: (THPT Chuyén Thoai Ngoc Hau — An Giang - Lan 3 nam 2017 — 2018) Cho hinh chop S.ABC

c6 day ABC la tam giac vudng can tai 4, mdt bén SBC la tam giac déu canh @ va mit phéng

(SBC ) vudng goc v6i mit day. Tinh theo a khoang cach giita hai duong thang S4 va BC.

A. a@. B. “ﬁ. C. “‘/ﬁ. Q.&.
11 3 22 4
Loi gidi
Chon D
N
B c
A

Goi H la trung diém BC = SH 1 BC = SH 1 (A4BC)

BC 1 SH
Ta co = BC L (SHA).

BC 1 AH

Trong (SHA) ké HK 1 SA (KeSA) (1)



Ma BC 1 (SHA)= BC 1 HK (2)
Tu (l) va suy ra HK la doan vudng géc chung ciia S4 va BC = d(SA,BC) =HK

Tam giac vuong SHA co ! ! ! = ! ! :iij:&

= + +
HK® SH® AH’ (a \/gj (ajz 3a®

2 2

a3

Céu 34: (THPT Tran Phti — Ha Tinh - Lan 2 nam 2017 — 2018)Cho hinh chép S.ABC c6 thé tich V.
Goi P, O lan luot 1a trung diém ctia SB, SC va G 1a trong tim tam giac ABC . Tinh thé tich
cua hinh chop G.APQ theo V.

ALy B. Ly, cly. D.2y.
8 12 6 8
Loi giai
Chgn C
S

. .2 V 1 1
Goi R la trung diém ctia BC,tacd 2% —— o Viror = ZVSAABC‘
S.ABC
V.
Mit khéc ta lai c6 —222 = % S Viapp = %VA‘PQR .
A.POR
R 21 1
Vay VG.APQ = E'ZV&ABC = EV .

Cau 35: (THPT Thuan Thanh 2 — Bic Ninh - Lin 2 nam 2017 — 2018)Cho hinh chép S.4BCD cb
ddy ABCD 14 hinh chit nhit, 4B =1, AD=+10, SA=SB, SC=SD . Biét mit phing (S4B)
va (SCD) vudng géc nhau dong thoi tong dién tich cua hai tam gidc ASAB va ASCD bang 2.
Thé tich khdi chop S.ABCD bang

A. 2. B. 1. c.%. D.

N |~

Loi giai
Chon B



Cau 36:

. 2
Ta co Vs yep =2V sop = gd(A,(SCD)).SSCD

Ta c6 (SAB)(SCD)=Sx // AB . Goi M 1a trung diém cia CD, N 1a trung diém cta A4B.
=SM 1CD, SN 1 AB=SM 1 Sx, SN 1 Sx.
Mit khac (S4B) L (SCD) = SN L (SCD) tai S, NSM =90°

d(4,(SCD))=d(N,(SCD))=SN =V yep = %.SN%.SM.CD :

SN* + SM?* = MN* = AD* =10.

1 1

S sus+Ssep =~ SN.AB+=SM.CD =~ AB(SN +SM) = SN+ SM = 4
2 2 2

S4B

= SN +SM* +2SN.SM =16 = SN.SM =3. Vay Vy ;0 :%. 3.1=1.

1

>

(THPT Chuyén Lwong Thé Vinh — Pong Nai — Lan 2 nim 2017 — 2018) Cho hinh chép

S.ABCD c6 day 1a hinh binh hanh va co thé tich 48 . Trén cac canh S4, SB, SC, SD lan

luot 14y cac diém A', B', C' va D' sao cho &:gzl va Si:Si:i. Tinh thé tich
SA SC 3 SB SD 4

V cta khdi da dién 16i SA'B'C'D’.

AV =4. B.V=6. C.V:%. D.V =9.

Loi giai
Chon D



Taco V = Vewsen =Vs azp + Vs cmp -
Vs vmnr S4'" SB" SD' 1 3 3 3 3 3
e = =— . — . — =—=Ve oy =—V. =—V .
Veuwp SA SB SD 3 44 16 "7 16 > 33 S4P
3 3
Tuong tu Vscwp = EVS.CBD = 3_2VS4ABCD .

A 3 3 3
Vay V' = VSA’B’C’D’ = (5 + EJ VSAABCD = EX 48=9.

Céu 37: (THPT Chuyén Lwong Thé Vinh - Dong Nai — Lan 2 niam 2017 - 2018) Cho ddy s6 (u, )

dwoc xéac dinh boi u, =a va u,,, =4u, (1-u,) véi moi n nguyén duong. Cé bao nhiéu gia trj
cla a dé u,,,, =0.
AL 221 41 B. 227 41, C. 22 41, D.3.
Loi gidi
Chgn A
Nhén xét: phuong trinh 4x(1-x)=m < 4x’—4x+m=0 c6 A'=4-4m>0 v6i moi

A \ A . ‘A A ‘A N m.
0 <m <1 nén phuong trinh ludén c6 2 nghiém phan biét x,, x, va x,+x, =1, xx, =— nén
4

x,x, €(0;1).

Uyy; =0
.. _ _ 2017
Ta €O 1ty 5 = 4ityyy; (1= 11y, ) =0 & { ~
U7 =
Upye =0
7. 2016
Vi 1y, = 0. Suy ra 1y, =4ty (1= 11594 ) =0 & {

Uy =

- 1
Vo1 uy,,, =1. Suy ra uyg,, =4y (1 _“2016) =1 S uy ==

. 1 |
V6i u,,,, = Suy ra i, = 4ty 5 (1—1ty0,5) =5 <6 hai nghiém u,,; .



<\ ’ A 5 A A < A A [94 A r A A .7 s 1A \ 1
Tur cac két qua trén, ta thay hai so hang lién tiép u,, u,,, déu c6 thé nhan gia tri lan luot 1a 3

va 1. Do d6 ta co tat ca cac truong hop sau:

e Véi uz:...:uzm:O<:>{a_1 nén co 2 giatricua a.

e Vo6iu,=1 :>4u,—4uf:1c>u1=%:> c6 2° nghiém u, .

Véiu, =1 =u zl:>4u2—4u +l=0:> c6 2' nghiém u, .
3 2 2 1 1 2 1

Véi u, =1 = u, :% :>4u22—4u2+%:0 c6 2 nghiém u, €(0;1) = 2° nghiém u, .

e Véiuy, =1 c6 2*"" nghiém u, .
22016 _1
Vayco 2+2° +2' +2° +... 427" :2+T:22°”’ +1 gidtricua a.
Ciu 38: (THPT Quynh Lwu 1 - Nghé An - Lan 2 nam 2017 - 2018) Cho hinh chép S.4BC c¢6 day
ABC la tam giac vuéng cantai B, AB=a, SA=2a va SA L (ABC) .Goi H, K lan luot 1a
hinh chiéu vudng géc ciia 4 1én SB, SC . Tinh thé tich tir dién S.AHK .
8 B 3¢
15 — 45

4a’
s

Chon B

3
Vsasc :l-SA-SABC Zl.Za.la2 -4

3 37720 3
SB*> = SA* + AB* =54*, SC* = SA> + AC* = 6a°
2
Sa> = SH.SB =0 54 _ 4
SB SB* 5
2
S4> = SK.SC =% 54 _2
SCsC* 3

Viuw SH SK 8 a
—:_~_:_:>VSAHK TS .
Viwe SB SC 15 1573 45

Ciu 39: (DHQG TPHCM - Co S6 2 — nam 2017 — 2018) Cho hinh chép déu S.4BC c6 thé tich bang

a*\3
2

, mdt bén tao véi day mot goc 60°.



Khi d6 khoang cach tir 4 dén mat phang(SBC) béang

A. “\/5. B. “‘/5. C.a\3. D. 4.
2 2 4
Loi giai
Chon D
S
A c
M
B

Goi H la trong tam tam giac ABC,tacd SH L (ABC).
Goi M 1a trung diém ctua BC,tacéd BC L (SAM).

Do d0, ta c6 goc giira mit phing (SBC) va mat day bang SMH = 60°.

Dit AB:x:HM:%; SH = HM tan60°=%. Vay thé tich khéi chép S.4BC bing
1x°V3 x x3\/§ x3\/§ a3x/§
V=— —= = = =>Xx=a.
3 4 2 24 24 24
\ a2 a2 \/ga
Ké Al LSM (IeSM)=> Al L(SBC)= Al =d(A,(SBC)); SM = TTT
- SHAH _3a.
SM 4

CAu 40: (THPT Tran Pht - Pa Nang - Lan 2 — nam 2017 — 2018) Cho hinh chép S.4BCD c6 day
ABCD 14 hinh thoi canh a, BAD =60° va SA vudng goc voi mit phing (4BCD). Géc gitta
hai mt phang (SBD) va (ABCD) bang 45°. Goi M 1a diém ddi xtmg ciia C qua B va N 1a
trung diém cua SC . Mit phang (MND) chia khdi chép S.4BCD thanh hai khéi da dién, trong
d6 khéi da dién chira dinh S c6 thé tich ¥, khéi da dién con lai ¢6 thé tich ¥, (tham khao hinh

v€ bén).

Ay




Tinh ti s —L.
v,
ALZ B L.3 ch L p A 7
v, 7 v, 3 Vv, 5 vV, 5
Loi gidi
Chon D

Goi O=4ACnNBD.
Khi d6 goc giira hai mit phing (SBD) va (ABCD) bang 45° < SOA =45° |

ABAD déu = 40 = %3 - 54 40.tanase~ D3 N2 _aV6.
2 2 2 4
2 3
Thé tich khéi chép S.ABCD bing: V =~ SA2S, ., == a6 a3 _ a2
3 3 4 4 8
2 .y - , M R ,r - . M , 1 613\/5
Thé tich khoi chop N.MCD bang thé tich khoi chop N.ABCD bang: V' :EV = T

2 3
Thé tich khéi chép KMIB bing: V" =~ Ls4sa,, _LaV6 a3 a2
33 9 4 8 9
3 3 3 3 3 3
Khi do: V2=V'—V”:a \/E_a \/5:5\/562 : V1=V—V2=a \/5_5\/561 _Ta \/5
16 9 9 g8 9% 96

Cau 41: (THPT Chuyén DH Vinh — Lin 2 — nim 2017 — 2018) Cho hinh chép S.4BC c6 mit phang
(SAC) vudng gbc v6i mit phang (ABC), SAB 1a tam giac déu canh a3, BC =a/3 duong
thang SC tao véi mit phang (ABC ) gdc 60°. Thé tich cua khdi chép S.4BC bang

3 3 3
A.‘“B. B.‘“/g. g.‘“/g. D. 24°6.
3 2 6
Loi giai
Chgn C

Ta thdy tam giac ABC cintai B, goi H 1a trung diém ctia AB suyra BH 1 AC.

Do (SAC)J_(ABC) nén BH J_(SAC).

Talaico BA=BC=BS nén B thudc truc dudng tron ngoai tiép tam giac ABC = H 1a tdm
duong tron ngoai tiep tam giac SAC = S4 1 SC.

Do AC 1a hinh chiéu cua SC 1én mét phang (4BC) = SCA=60".



Tac6 SC=SA.cot60° =a, AC=—2_
sin 60

1 1 a6

Ve =3 BH Sic = BHSASC ===

=24 = HC=a = BH =\BC* —HC* =a\2 .

HET




Céu 1: (Tap chi THTT - Thang 4 nam 2017 — 2018) Cho hinh chép S.ABCD c6 ddy ABCD la hinh

vuong canh a, S4 vudng goc voi day, SA= a~/2 . Mot mit phang di qua 4 vudng goc voi
SC cat SB, SD, SC lan lugttai B', D', C'. Thé tich khéi chop S.AB'C'D' la:
24°\3 24°\2 a2 24°\3

AV = . B. V= . C.V= . D. V= .
9 3 9 3

Chon C

B

a2

Ta co: Vy pep 2%.02.61\/_ =3

Duya vao gia thiét ta co B', C', D' lan luot 1a hinh chiéu cia 4 1én SB, SC, SD.
Tam giac SAC vudng cantai 4 nén C' la trung diém cua SC.

SB SA* 2d* 2

Trong tam giac vuong SAB’ ta cod

SB  SB> 34 3

Tuong ty ta co S—Bzg
fomcn Vi Vowy _I(S5SC $DSC)_985C 21
Vs scp Vs iscp 2\ 8B SC SD SC SB SC 32 3
. a2
Vay Vs ipep :T'
Chi y: Chimg minh AB'1 SB nhu sau: BC 1(S4B)= AB' L BC, ma AB'LSC nén
AB' 1 SB

Tuong tu cho 4D" 1 SD
Cau 2: (Tap chi THTT - Thang 4 nam 2017 — 2018) S6 mat phang cach déu tat ca cac dinh ctia mot
hinh lang tru tam giac la
A. 1. B. 2. C.3. D. 4.
Loi giai
Chon D
Co6 4 mat phfmg cach déu tit ca cac dinh ciia mot hinh lang try tam giac: (MNP) , (CDEF ) ,
(CDHI), (EFIH) (v6i M, N, P, C, D, E, F, H, I lan luot 1a trung diém ciia A4’,
BB', CC', AB, AB', AC', AC, B'C', BC) nhu hinh v& sau:



Cau 3: (THPT Chuyén Théi Binh — Thai Binh — Lin 5 nam 2017 — 2018) Cho khdi tt dién déu ABCD c6
thé tich 1a V. Goi M, N, P, Q lan luot 1a trung diém cia AC, AD, BD, BC. Thé tich
khdi chép AMNPQ 1a

AL B. L. c . ACH
6 3 — 4 3
Loi giai
Chon C

Ta ¢6 ¥ ynnp = 2V 4o (d0 MNPQ 13 hinh thoi), 4B // MO =V 0 = Vi

Mit khic do P 1a trung diém cia BD nén d(P,(ABC))z%d(D,(ABC)), dong thoi

1 1 1

1

Suon =3 Sunc = Ve =§d(P,(ABC)).SBQM =gd(D,(ABC)).ZSABC
11 4 4

= g.gd(D,(ABC)).SABC =5 = Vo =7

Cau 4: (SGD Ha Tinh - Lin 2 nam 2017 — 2018) Cho hinh ling tru tam giac déu ABC.4'B'C’ ¢6 gbc
gilta hai mit phing (A'BC) va (ABC) bang 60°, canh AB =a. Tinh thé tich V' ctia khdi ling

tru ABC.A'B'C'.
A.V:?ﬁ. B.V=%a3. g.V:%a? D. V =34’

Huéng din giai
Chon C



Goi M 1a trung diém cuia BC suyra AM L BC (1)

BC L AM
Tac(){ , =>BCLAM (2)
1 44
Mat khac (ABC)n(A'BC)=BC (3)
Ti (1), (2), (3) suy ra ((4BC); (4'BC)) = M =60°.

V3, a3
7 —

Vi tam gidc ABC déunén S, ,,. = Vi AM ==

Ta cod AA':AM.tan60°:37a.

3a az\/g 3a3\/§

~ _ 14 _ _
Vay Vpe uwer = AA'Syupe =— = .

2 4 8
Cau 5: (THPT Chuyén Vo Nguyén Giap — Quang Binh - nam 2017-2018) Cho tr di¢n SABC va hai
diém M, N lan luot thudc cac canh S4, SB sao cho SM :l , SN =2. Mat phéng (P) di
AM 2 BN

qua hai diém M, N va song song v&i canh SC, cit AC, BC lanluottai L, K. Tinh ti s6 thé
tich Vscﬂ i
SABC

A. Vscunxe :i ) B. Vscme :l‘ C Vscunxe _ Z n Vscunxe _l
Ve 9 Vsisc 3 S

Huéng din giai

Chon A
Chia khi da dién SCMNKL béi mit phang
(NLC) dugc hai khéi chép N.SMLC va

N.LKC . Vi SC song song v6i (MNKL) nén
SC /I ML // NK .




1
—d(N;(S4C)).S
Viswe _ 3 ,( )) e
1
Vs sac 3 (B;(SAC)) Sasac
:N_S_[1—SMMLJ
BS Sasac

1
Ve 3 VA Swe _wg 1c ok 1122
Vs anc ;d(S,(ABC)) s, SBACCB 3733 27
Suy ra VSCMNKL — VNASMLC + VNAKLC :&‘i‘i :i.

SABC VB‘SAC VS<ABC 27 27 9

Cau 6: (SGD Bac Ninh — LAn 2 - nam 2017-2018) Cho hinh chép déu S.4ABC c6 SA=1. Goi D,E lan
luot 14 trung diém ctia hai canh S4, SC. Tinh thé tich khdi chép S.ABC, biét duong thang BD
vudng goc v6i dudng thing AE .

A. VSABCZQ' B. SABC:@, C. VSABCZQ' D. VSABC:@'
‘ 12 ' 54 ‘ 4 - 18
Loi giai
Chon B

Gia su canh day c6 d0 dai a; SH = /. Chon h¢ truc toa d6 nhu hinh vé, ta co:

1(0;0;0); A(—%;O;Oj; (2 0; OJ C(o a*zf j S(O;%;h} D(—%;%;gj;

23,1
3 2
LalcoBDJ_AE<:>BDAE 0=a= h\/7 4/ g :@:h:g

53 _m

R |
Vay Vs upen = g 3 4 54



Céu 7: Cho hinh ling try dimg ABC.A'B'C’ ¢6 ddy ABC 1a tam giac déu canh « . Khoang cach tir tim
O clia tam gidc ABC dén mit phang (4'BC) bang %. Thé tich khéi lang tru bang

3 3 3 3
A. 3"‘/5. B. 3"‘/5. C. 3“‘/5. D. 3“‘/5.
4 8 28 16

Cau 8: Cho hinh lang tru dimg ABC.A'B'C" c¢6 ddy ABC la tam gidc déu canh a . Khoang cach tir tim

O cua tam giac ABC dén mit phang (A'BC ) bang % . Thé tich khdi lang try bang

3 3 3 3
A.3a\/§. B.3a\/§. C.3a\/§. 2.30\/5'
4 8 28 16
Loi giai
Chon D

Goi M 14 trung diém ctia BC va H la hinh chiéuciia 4 trén A'M .
Ta co }:BCL(AA’M):BCJ.AH (1)

Ma AH L A'M (2)

Tir (1) va (2)= d(4,(A'BC))= 4H .

T o d(0,(4'BC)) MO
d(A4,(A'BC)) MA

% (do tinh chat trong tim).

= d(4,(4'BC))=3d(0,(4'BC)) :% = AH :%.

1 1 1 1 4 4 a3

= + & =———S A4 =——.
AH?  AA?  AM? T AA? & 34 22

2 3
Suy ra thé tich lang try ABC.A'B'C'1a: V = AA'S, 5 = av3 < E = 32a .
V2 4 16
Cau 9: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a va canh bén S4 vudng goc voi
mit phang day. Goi E la trung diém cua canh CD . Biét thé tich ctia kh6i chép S.4BCD bang

3

a? . Tinh khoang cach tir 4 dén mat phang (SBE )

Xét tam gidc vuong A'AM :

2a a\/z

A 2 B. : c.2. “\/5.
3 3 3 3




Cau 10: Cho khéi chép S.ABCD c6 day ABCD la tir giac 16i, tam gidc ABD déu canh a, tam giac
BCD can tai C va BCD =120°. SA L (ABCD) v SA=a.Mat phing (P) di qua 4 va
vuong goc vai SC cit cac canh SB, SC, SD lan lugt tai M, N, P. Tinh thé tich khéi chop

S.AMNP.
3 3 3 3
A.‘“/g. B. 2‘“/5. C.‘“/g. D.‘“/g.

= 4 21 14 12

Cau 11: Cho hinh chop S.ABCD c6 day ABCD la hinh vuong canh @ va canh bén SA vudng goc vdi
mit phang day. Goi E 1a trung diém cta canh CD . Biét thé tich ciia kh6i chop S.4ABCD bing

3

a? . Tinh khodng céch tir 4 dén mit phing (SBE).

2a a\/z

A 22 B. . c. & “\/5.
=3 3 3 3

Chon A

Ta cé Vz%SA.SABCD :%:SA =a .

Goi M 1a trung diém BC = AM 1 BE tai F .
Ta lai ¢6 SA L (ABCD) = S4 L BE.

= BE | (SAF). Suyra (SBE) L (SAF) theo giao tuyén SF . Trong (SAF),ké AH L SF thi
AH 1 (SBE).
2
Ta c: AMBF > MM AL 4B _ yp___ AB_2aV5
AB  AM JaB*+BM* 5
1 1 1 .
LUy SAAF 2

AH® S4~ AF SA2+ AF? 3

Cau 12: Cho khdi chop S.ABCD c6 day ABCD 1a tir giac 16i, tam giac ABD déu canh a, tam giac
BCD can tai C va BCD =120°. SA L (ABCD) v SA=a.Mat phing (P) di qua 4 va
vuong goc voi SC cit cac canh SB, SC, SD lan lugt tai M, N, P. Tinh thé tich khéi chop

Tam gidc SAF co

S.AMNP.
3 3 3 3
A.‘“/g. B. 2‘“/5. C.‘“/g. D.‘“/g.
42 21 14 12

Loi giai
Chon A



a3

Goi O la trong tAm tam giac déu ABD va I la trung diém BD thi Al = 5 ;

or=Ly-43.
3 6

1 a

a3

Tam gidc /CD vudng I ¢6 ICD = 60°, ID=_BD =" vi IC = ID.cot60° ===

2a\/§

= 0 va C dbi xing nhau qua dudng thing BD = AC = Al +IC = 3

... [BDL4C
Khi d6 = BDL(84C) = BD L.sC

Ma SC L (P) nén BD//(P)
, {(P)m(SBD):MP
D
(SBD)(ABCD)=BD

. |BDL(84C)
Laico
AN < (SAC)

= MP// BD

= BD 1 AN = AN 1 MP

s
SC ScC?

a3

Tam gidc ABC c¢6 SD =a2 ; BC = IC? + IB? == v

Tam gidc SAC vudng tai 4 c6 SN.SC = S4> =

SN SA®

S—=—=
SC S84+ AC?

AC? = AB* + BC?

= tam gidc ABC vudngtai B = BC L(SAB); AM < (SAB) = BC L AM

M1

Lai c6 tam gidc S4B vuong nén AM 1 SB = M latrung diém SB = 5B = 5

Ma MP//BD nén S8 =M _1
SD_ SB 2

az\/g 1 az\/g
3

+ ) CB.CD.sin120° =

Mat khac

SABCD = SAABC + SABCD =

o Voo SMSY 313y 3y 3
Ve isge SB S 72 14 ‘ 28 ‘ 28
3
Vay Yo = 2 = Vs e = 243 :

14 42

S.ABCD

3

3
a

3

7

B3
>

Suyra V=V pop =——



Céu 13: Cho hinh chop S.ABCD c6 day 1a hinh binh hanh. GoiM , N, P, Q lan luot 1a trong tdm cac
tam giac SAB, SBC, SCD, SDA . Goi O la diém bat ky trén mat ddy ABCD . Biét thé tich
khoi chop O.MNPQ bang V . Tinh thé tich khoi S.ABCD .

a2y, B2y .2y D2y
8 2 4 4

Loi giai

Chon B
o 2Y 41 2
Ta co, dién tich S, = (gj Synpg ZE.E.SABCD ZE‘SABCD'

Buong cao ctia khdi O.MNPQ 1a hy 0 = %h

S.ABCD *

Suy ra V:iV 2
27

s.ascp = Vs asep = 7V-

Cau 14: Cho khdi chop tir gidc S.ABCD . Mt phang di qua trong tdm cac tam gidc SAB, SAC, SAD

chia khéi chép nay thanh hai phan c6 thé tich 1a ¥; va 7, (¥, <V;). Tinh ti 1¢ ;
2

A2 B. 10 c s p. 2.
27 81 19 75

Cau 15: Cho khdi chép tir gidc S.4BCD . Mat phang di qua trong tim cac tam giac SAB, SAC, SAD

chia khéi chép nay thanh hai phan c6 thé tich 1a ¥; va 7, (¥, <V;). Tinh ti 1¢ ;

2
5 B. 10, cl p. 10
27 81 19 75
Loi giai



Goi G, G,, G, lan luot la trong tdm cac tam giac SAB, SAD, SAC.
SG, _2_ SG,
3 8J

Goi I, J lan lugtla trung diém cia AB, AC thi

= GG, /I lJ = GG,//(A4BC).

Chimng minh tuong tu ta c6 G,G,//(ABC).
Suy ra (G,G,G;) // (ABCD).

Qua G, dung duong song song véi 4B, cit SA, SB lan lugttai M, N .

Qua N dung dudng song song véi BC, cit SC tai P.

Qua P dung duong song song véi CD, cat SD tai Q.

= Thiét dién ctia hinh chép S.4BCD khi cat b6i (G,G,G, ) 1a tit gilc MNPQ.
SM.SN.SP 8 8

= = =—1V7. 1
SA.SB.SC 27 SMNP— 7 " S4BC M

Ta Cé VSAMNP —

VS .ABC

Tuong tu ta cling c6 = V5, = EVS' on 2

. \ 8 8 19 ~ V8
Tu (1) va (2) suy ra Vs 0 :2—7VS'ABCD =V :2—7V =V, =V-V :EV. Vay 7’25
2

Cau 16: Cho hinh lang tru ABC.A'B'C' c6 day ABC la tam giac vuong tai 4. canh BC=2a va

ABC = 60° . Biét tir gidc BCC'B' 1a hinh thoi c6 B'BC nhon. Biét (BCC'B') vuéng goc véi
(ABC) va (ABB'A’) tao v6i (ABC) goc 45°. Theé tich cia khéi lang tru ABC.4'B'C’bang

a’ 3q° 64’ a’

A —. B. —. C. —. D. .

77 77 J7 W7

PAP AN THAM KHAO

1234|567 /8|910[11]12]13]|14|15[16[17]18[19[20(21(22(23(24]25
p/c|/p|plAalDp|c|c|c|c|p|A|lD|C|A|B|[C|D|A|B|B|A|B|C]|A
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HUONG DAN GIAI




Céu 17: Cho hinh lang truy ABC.A'B'C’ c¢6 day ABC la tam giac vudng tai 4. canh BC=2a va
ABC = 60° . Biét tir gidc BCC'B' 1a hinh thoi c6 B'BC nhon. Biét (BCC'B') vuéng goc véi
(ABC) va (ABB'A’) tao véi (ABC) goc 45°. Thé tich cua khdi lang tru ABC.A'B'C’bang

a 3a’ 6a’ a’
A, —. B. —. C. —. D. .

J7 NG J7 37

Loi giai
Chon B
A' C
B
A 7 / C
2a
K W H

Do ABC latam giac vudng tai A, canh BC =2a va ABC=60°nén AB=a ,AC = a3 .

Goi H 1a hinh chiéu vuéng goc ctia B’ 1én BC = H thudc doan BC (do B'BC nhon)
= B'H 1 (ABC) (do (BCC'B') vudng goc véi (ABC)).

Ké HK song song AC (K € AB) = HK | AB (do ABC la tam giac vudng tai 4).
= | (4BBA'),(4BC) | = BKH =45°= BH =KH (1)

Taco ABB'H vuong tai H = BH =~4a’ —B'H’

)
Mit khac HK song song AC = BH _HK _ py_ HK2a
BC AC

3
5 3)
T (1), (2) va (3) suy ra Nda’> —B'H’ = BH2a =a\/g.

= B'H
a3

3
%AB.AC.B’H _3a

NG

Cau 18: Cho khéi ling try ABC.A'B'C'. Goi E la trong tim tam giac A'B'C'va F la trung diém BC .

Tinh ti s thé tich giita khoi B'.EAF vakhbi lang tru ABC.A'B'C’.
AL B. 1. c.l. D. L.
4 8 5 — 6
Cau 19: Cho khéi ling truy ABC.A'B'C'. Goi E la trong tim tam giadc A'B'C’'va F la trung diém BC .

Tinh ti s6 thé tich giita khéi B'.EAF va khbi ling tru ABC.A'B'C'.
AL, B
4

Vay Ve pge =S pc-B'H =

L c.l. D
8 5

1
.=
Loi giai



Chon D

Ta co

M 14 trung diém ctia B'C’ khi d6 S,,,, =%SAA,MF va d(B',(AAMF))=d(B',(AEF)).

\ 1 2
Vi VBCAA'MF = VABF.A'B'M - VBCABF = VABFAA’B’M _EVABF.A’B’M = EVABF.A’B’M
1 12 11
Suyra V., ==V, ==V =——V =—V
B'EAF B'.AAMF * Y ABF . A'B'M * "~V aBc.aBC ‘Y apc.a'B'C'*
2 23 32 6

Céu 20: Cho hinh lang try démg ABC.A'B'C'c6) day ABC déu canh bang a va chu vi cia mit bén
ABB'A' bang 6a . Thé tich ctia khdi lang try ABC.A'B'C" bang

3 3 3
A.“f. B. a’\f3. C.“;/g. D."f.

Cau 21: Cho hinh ling try dimg ABC.A'B'C'c6 day ABC déu canh bang « va chu vi clia mit bén
ABB'A' bang 6a . Thé tich ctia khdi lang try ABC.A'B'C" bang
3 3 3
<3 B. a'\3. c. &P &6

A. . . D. .
-2 3 6

Huéng dan giai
Chon A



A’ C'

Chu vi cua hinh chir nhat 2(AB + AA') =6a= AA'=2a

az\/g a3\/§
2 2a= .

Thé tich khéi lang tru V = Bh = .

Cau 22: Cho hinh chop S.ABC c6 duong cao S4=2a, tam gidc ABC vuong tai C, AB=2a,
CAB =30°. Goi H 1a hinh chiéu ciia A4 trén SC, B’ la diém d6i xtmg ctia B qua mit phing
(SAC). Thé tich ctia khéi chop H.4B'B bang

a3x/§ 6a3\/§ 4a3\/§ 2a3\/§

A. . B. . C. . D. .
7 7 7 7

Cau 23: Cho hinh chép S.ABC c6 duong cao SA=2a, tam giac ABC vudng tai C, AB=2a,
CAB =30°. Goi H 1a hinh chiéu ciia 4 trén SC, B’ la diém di xtmg ctia B qua mit phing
(SAC). Thé tich ctia khéi chop H.4B'B bang

3 3 3 3
A.“*g. B.6a‘/§. C.4a‘/§. Q.z‘“ﬁ.
7 7 7 7
Loi giai

Chon D

5 9




Xét tam gidc ABC ta cod cos@z%:ACza 3 vi BC=+AB* - AC* =a.

2
Xét tam gide SAC ta co SC=\SA* + AC* = aJ7 va HC.SC = AC* = HC = /;2 - 3*?“
, . . o A
Xét tam giac SAC ta co smSCAzE (1)
. ., , . —= HI
Xét tam gidc HIC ta c6 sin HCI =—(2)
HC
Tu (1) va (2) taco HI = S4.HC :6_a‘
SC 7
Taco 7, —lHIS —16—621/1CBB'—16—Q141\/526{—&413
waws =3 HIS iy =3.—. = AC. 3 7Y S

Cau 24: Cho hinh chop S.ABCD c6 day ABCD la hinh vuéng canh a, canh bén S4 =2a va vudng goc
v6i mat phang day. Goi M 1a trung dieém canh SD . Tang cuia goc tao bdi hai mat phang
(AMC) va (SBC) béng

NEES B V3.
5 2

B
Cau 25: Cho hinh chg')p S.ABCD c6 day ABCDvlé hinh vuéng canh a, canh bén S4=2a va vudng goc
v61 mdt phang day. Goi M 1a trung diém canh SD . Tang cta goc tao bdi hai mat phang
(AMC) va (SBC) bing

o

0
N
2

Chon C




Chon hé truc toa do va chuin héa cho a =1 sao cho A(0;0;0), B(0;1;0), D(1;0;0),
5(0;0;2)

Tacod M la trung diém SD:M( j (1,1;0).

W:G;onj,,?c (1:1;0), [ 4M, 4C |= (11-) (AMC) c6 mdt vipt 7i = (-2;2;1)

SB=(0;;-2), SC=(1;1;-2), [ SB,SC | =(0;2;1) = (SBC) c6 mot vipt k = (0;231)

k
, ikl 5
Goi a la goc giita hai mat phang (AMC) va (SBC) thi cosa = =—

.
Do tana >0 nén tana = 12 —1=2\/§.
cos o 5

CAu 26: Cho t& dién ABCD ¢6 BC=3, CD=4, BCD = ABC = ADC =90° . Géc giita hai dudng thing
AD va BC bang 60°. Tinh thé tich khdi cdu ngoai tiép ta dién 4BCD.

A 27V127x B 52137 c 28\ﬁ;z.

6 3 T3

D. 32\/371 .

Cau 27: Cho ling try déu ABC.EFH cb6 tat ca cac canh bang a. Goi S 1a diém dbi xting ciia 4 qua
BH . Thé tich khdi da dién ABCSFH bang

3 3
A. J3a . B. L. C. V3a . p. L
3 6 6 2

Cau 28: Cho t& dién ABCD ¢6 BC=3, CD=4, BCD = ABC = ADC =90° . Géc giita hai dudng thing
AD va BC bang 60°. Tinh thé tich khdi cdu ngoai tiép ta dién 4BCD.

127127 B 52137 c 2877

A. D. 32437

— B == —_
Loi giai

Chon B

Cc 4 D

Dung hinh chit nhat BCDE . Khi do, ta c6:



CD L AD

= CD L AE (1)
CD 1 DE
DE 1 AB

= DE 1 AE (2)
BE 1 DE

Tu (1) va (2) suy ra AE L(CDE).

Suy ra mit cdu ngoai tiép tr dién ABCD ciing la mit cau ngoai tiép hinh chop ABCDE , mit
cau nay c6 duong kinh 1a AC.

Lai 6 (AD, BC)= ADE =60° = AD=6=> AC =213

Do d6, ban kinh mit cau nayla R = %AC =13 .

4 52137

Vay thé tich ctia mat caula vV = E;rR3 = 3

Céu 29: Cho ling tru déu ABC.EFH c6 tit ca cac canh bang a. Goi S la diém ddi xing cia 4 qua
BH . Thé tich khdi da dién ABCSFH bang

3 3 3 3
A. V3a . B. L. C. V3a : p. L.
3 6 6 2
Loi giai
Chon A

&3\
B |

Thé tich cta khéi ling try déu ABC.EFH 14V =S ,..AE = ==

Thé tich khoi chop ABCHF 18V, yepp =V =V, poy =V —%V = %V :

Goi M = ASNBH thi M 1 trung diém AS nén d(4,(BCHF))=d(S,(BCHF)).

Do do6 VA.BCHF = VSABCHF .

3 3
Thé tich khéi da dién ABCSFH 18 V s =V peu + Ve penr = g o g @V3 _a V3 '

e
A C

Cau 30: Cho hinh chép S.ABCD c6 ddy ABCD la hinh chit nhat, tam gidc S4D vuéng tai S va nam
trong mdt phang vuéng goc voi ddy. Cho biét AB=a, S4=2SD. Mt phang (SBC) tao voi

day mot géc 60° . Thé tich khdi chép S.ABCD 1a



3 3
A. 3% B. 5% C. 54°. D.

154°

Cau 31: Cho hinh chép S.ABCD c6 ddy ABCD la hinh chit nhat, tam gidc SAD vudng tai S va nam trong mat
phing vudng géc véi day. Cho bigt AB =a, SA=2SD. Mit phang (SBC) tao véi ddy mét géc 60°.
Thé tich khéi chép S.ABCD la

3 3 3
A. 3i. B. Si. C. 5a°. D. 15a )
2 2 2
Loi giai
Chon B

Goi H 1a hinh chiéu cta S 1én canh 4D, I 14 hinh chiéu cia H 1én canh BC, ta co
SH J_(ABCD) va BCJ_(SHI) = ((SBC);(ABCD)) = SIH =60°. Suy ra SH =a3.

Trong tam giéc vudng SAD dit SA=2SD =2x nén tir SH = ij)D taco av3 = 2—’5‘

7
Do do x:#. Suy ra AD=x5 = 5a2\/§_

3
Thé tich khéi chép S.4BCD la V:%a. 5"2‘/5 a3 :5%.

Ciu 32: Cho hinh lang try dimg ABC.4 B,C, c6 day ABC la tam giac vuong tai B, AB=4, BC=6;
chiéu cao cua ling try bang 10. Goi K, M, N lan luot 13 trung diém cua cac canh BB, AB,,
BC'. Thé tich khdi t&r dign C,KMN .
A. 15. B. 45. C.5. D. 10.

Cau 33: Ba qua bong dang hinh cau c6 ban kinh c6 ban kinh bang 1 doi mét tiép xtic nhau va cing tiép
xtc voi mét phang (P). Mit cau (S) ban kinh bing 2 tiép xtic véi ba qua bong trén. Goi M 1a
diém bat ky trén (S), MH 1a khodng cach tir M dén mat phang (P). Gia tri 16n nhat cua MH

la
A. 3+ '1423. B.%. C.3+@. Q.3+@.

Ciu 34: Cho hinh lang try dimg ABC.4,B,C, c6 day ABC la tam giac vuong tai B, AB=4, BC=6;
chiéu cao cua lang tru bﬁmg 10. Goi K, M, N lan luot 1a trung diém cua cac canh BB, AB,,
BC'. Thé tich khéi tir dién C,KMN .
A. 15. B. 45. C.5. D. 10.
Huéng din giai
Chon A



Xem tir dién C,KMN la hinh choép c6 dinh M, day NKC, ta co

1
VCIKMN = ESANKQ 'd(Ma(NKcl))

Taco SANKC1 = SBCC1131 — S _SAch _SAKCIBI = 60_175—15 -15= % .

d(M,(NKC,))=d(M,(BCC,B,)) =MB, =2 (do MB, L(BCC,B,))
1 45
Vay V. =—-—-2=15.
4y Ve xmw 375
Céu 35: Ba qua bong dang hinh cau c6 ban kinh bang 1 d6i mét tiép xtic nhau va cing tiép xtc véi mit
phang (P). Mt cau (S) ban kinh bang 2 tiép xtc voi ba qua béng trén. Goi M 14 diém bét
ky trén (S), MH 1a khoang cach tir M dén mét phing (P). Gia trj 16n nhat cua MH 1a

A.3+%. B.z. C.3+ﬂ. 2.3+@.

9 2 3

Huéng din giai

Chon D



Coi tAm qua ba qua cau nho 1a 4, B, C va tdm cla qua ciu 1on bén trén 13 S . Ta dugc chop
déu S.ABC co canh day 1a 2 va canh bén 13 3. Goi Ola chan duong cao cta chop S.ABC.
Suy ra MH 16nnhatkhi M, S, O, H thang hang. MH__ =2+SO+1=3+50.

2
Ta co: SO =~/SA> — 40> = 32—@.\@} =@.
J69

Suy ra: MH =3+SO=3+T.

Céu 36: Cho hinh chép déu S.4BC c6 goc gilta mit bén va mit phing déy (4BC) biang 60°. Khoang

cach giita hai duong thang S4 va BC bang # Thé tich ¥ cua khdi chép S.4BC bang
A.V:ﬂ. B.V:ﬂ. C.V:M. D.V:ﬂ.

3 3 3 2

Cau 37: Cho hinh chép déu S.ABC c6 goc gitta mdt bén va mit phang day (ABC ) bang 60°. Khoang
) ‘~ . \ < B M 6\/7 R o7 5 A ’ M

cach gitra hai duong thang S4 va BC bang — Thé tich V' cua khoi chop S.4ABC bang
A.V:—g\/g. B.V:—S\ﬁ. C.V:—loﬁ. D.V=—5\/§.

3 3 3 2

Hwéng din giai

Chon A

5

B

Goi [ 1a trung diém cua BC = AI L BC, SI L BC = BCJ_(SAI).

67

Ké IK 1S4 = IK =d($4,5C) ==~



Goi H la trong tam tam gide ABC = SH L (ABC) = ((SBC),(4BCD))= SI4 = 60°

Pit AB =a :AI:% :>1H=%A1=§

av21
s

— SH = IH .tan 60° :% — SA=~/SH> + AH? =

2
aali a6 s 4B g

Lai co: SH.AI = SAIK =
2 6 7 4

Vay V =§.2.4\f =¥.

Cau 38: Chon ngﬁu nhién 3 duong théng chira 3 canh khac nhau ciia mot hinh bat dién déu. Tim xac
suat de cac véc to chi phuong cua 3 duong thang d6 dong phang.
A.é. B.l. C.l. D.1—7.
55 11 5 55
Cau 39: Chon ngﬁu nhién 3 duong théng chira 3 canh khac nhau ciia mot hinh bat dién déu. Tim xéc
suat de cac véc to chi phuong cua 3 duong thang d6 dong phang.

AS B. . c.l. p. .7
=55 11 5 55
Loi giai
Chon A
A
AN
/ \ N\

Hinh bat dién déu c6 12 canh. S6 phan tir ctia khong gian mau bang C;, =220.
Goi 4 la bién cfé chon duoc 3 canh ma cac duong théng chita 3 canh d6 c6 3 vecto chi
phuong dong phang.
Cach 1:
TH1: Chon 3 canh nam trong mot mat phﬁng: c6 8 mat bén la tam giac déu va 3 mat chéo la
hinh vuéng. C6 8C; +3C; =20 céach.
TH2: Chon 2 canh ctia mdt mét bén va canh con lai song song voi mat mat do.
Co6 8 mait bén dugc chon, ung voi mdi mit ¢o C; cach chon cap canh, (mg vai mdi cach chon
cap canh d6 c6 3 cach chon canh con lai song song vdi 1 trong 3 canh cua mat bén, vdy co
8.C;.3=72 cach.

. A s Lo A 3 92 23
Do d6 n(4)=20+72=92. Vay x4c suat can tinh bang: P(4)= 035"

Cach 2:
Ta thdy néu 3 véc to cia 3 duong thang chira 3 canh duogc chon dong phang thi:



] 3 canh duoc chon khong c¢6 2 canh nio song song thi 3 canh d6 phai song song hodc nim
trong mdt mit phing, mit phang d6 la mit “bén” ((ABC); (ACB'); ...) cua bt dién (TH1)
hogc mit chéo ((ACA'C"); (ABA'B'); (BCB'C')) (TH2).

[J 3 canh dugc chon c6 2 canh song song, canh con lai bat ki. (TH3)

TH1: 3 canh song song hodc nam trong mot mat bén:

(ABC): Co cac canh thoa mén 1a 4B, AC, BC, A'C', C'B', B'A’. C6 céc bo thoa man la:
AB—BC—-AC; AB—AC-C'B'; AB-BC-C'4’; AC—BC—A’B’; AB-C'B'-C'A';
AC—-CB'-A'B'; BC—A'B'-A'C'; AB' - 4’C’ —B'C'". Tatcaco 8 cap.

Do c6 8 mat bén chia thanh 4 (vi c6 2 mat doi song song v&i nhau) nén suy ra cé: 8.4 =32
cach.

TH2: Véi mdi mit chéo thi c6 4 canh nén khi chon 3 canh luén c6 2 canh song song nén TH
nay bi tinh & trudong hop 3 (TH3).

TH3: C6 6 ciip canh song song ( AB— A'B';...) v&i mdi cip canh song song d6 s& c6 thém 10
c@ch chon canh con lai. Vay s€ c6: 60 cach.

Tong hop lai ta c6: 60+32 =92 cach.

9 2

Viy x4c suat can tinh bing: P(4)= 70" 55"

Cau 40: Mot hinh da dién cé cac mat 1a cac tam giac ¢6 s6 mat M va so canh C cua da dién do6 thoa

Cau 41:

man h¢ thirc nao dudi day

A.3C=2M . B. C=2M. C.3M =2C. D.2C=M.

Cho hinh lang tru dung ABC.A'B'C' c6 day ABC la tam giac vudng can tai A4, canh
BC = a6 . Géc giita mit phang (AB'C)va mat phing (BCC'B') bing 60°. Tinh thé tich khéi
da dién AB'CA'C'.

334 a’\3 a’\3

C. . D. .

A. a’\3. B. .
a3 2 2 3

Cau 42: M4t hinh da dién c6 cac mat 1a cac tam giac c6 s6 mat M va so canh C cua da dién do thoa

Cau 43:

man h¢ thirc nao dudi day
A.3C=2M . B. C=2M. C.3M =2C. D.2C=M.

Loi giai
Chon C
MOi mit cuia da dién trén 1d mot tam gic (3 canh)
S6 mit cua da diégnla M — téng tat ca s6 canh tao nén tit ca tam giac thudc da dién do la
3M .
Néu cit nho cac da giac ra khoi khéi da dién, ta théy mdi canh cua khdi da dién 1a canh chung
ctia dung hai tam gidc — Téng s6 canh tao nén tat ca cac tam giac 1a 2C
Vaytaco 3M =2C.
Cho hinh lang tru dung ABC.A'B'C' c6 day ABC la tam giac vudng can tai 4, canh
BC = a6 . Géc giita mit phang (AB'C)va mat phing (BCC'B') bing 60°. Tinh thé tich khéi
da dién AB'CA'C'.

3 3 3
A a3\/§' 3\/§a a\/g a\/§

B. . C. . D. .
2 2 3
Loi giai

Chon A



1 BC J6

. Al .
Goi I 1a trung diém BC, ta c6 { = Al 1 (BB'C'C) va Al = % (trung tuyén trong

Al L CC’
tam giac vudng bang nira canh huyén).
Ké [H 1 B'C ma Al L B'C suyra AH L B'C
Viy goc giita mat phang (4B'C)va mit phing (BCC'B')1a AHI = 60°.

Taco 1H =21 :&;CHzx/CIZ—Isza

tan 60° 2

H_CH B

Mit khac ACIH ~ ACB'B =
B'B  CB CH

1 1 a6
Vipcwe =Vipgee = E‘AI'SBCC'B' = E-T-a\/g-a\/g = as\/g

Cau 44: Cho hinh chép déu S.ABCD c6 tit ca cac canh déu bang a. Goi ¢ 1a goc giita hai mit phang
(SBD) va (SCD). Ménh d& nao sau day ding?

A. tan(p:\/g. B. tangozg. C. tan(ng. D. tango:\/z.

Cau 45: Cho hinh chop déu S.ABCD c6 tit ca cac canh déu bang a. Goi ¢ 1a goc giita hai mit phang
(SBD) va (SCD). Ménh dé nao sau day ding?
2
A. tan¢)=\/8. B. tan(ng. C. tan(ng. D. tangp=\/5.

Loi giai
Chon D



= 0C L (SBD)= OC L 5D (1)

Trong mit phang (SBD) ké OH L SD tai H (2)
Tur (1) va (2) = SD L(COH)= SD L CH .
(SBD)(SCD) =SD
Ta c6: {OH < (SBD),0H L SD = ¢ =((SBD);(SCD))=(OH;CH)=OHC .
CH c(SCD),CH L SD
1 a2
2

Co 0C=§AC= ; BD* = SB*> +SD* =2a

1 ax/i

= ASBD vudng cantai § = SO = EBD = 5

SO.OD

Xét ASOD vuong tai O, duong cao OH : OH = D —%.

ocC
Vay tan :—:\/5.
ay % OH
Cach 2:
:>OCJ_(SBD)

Do d6 tam giac SOD 1a hinh chiéu cta tam gidc SCD 1én mit phing (SBD).

Suyra: S ¢op =S, 5cp-COSQ

2
Tam giac SCD déu canh a nén S ., :#.
Ta c6: Ong va SO =+/SD* -0D* = ‘“2/5 nén S, = EODSD—%.

Ssop _ 1o s sing _ +/1—cos’ ¢

Do d6: cosp=—2"==— turddy suyra tanp = = =2.
' wcp cos @ cos @

W



Cau 46: Cho hinh chop S.ABCD c6 day 1a hinh binh hanh. Goi M, N va P lan luot 1a trung diém ctia
cac doan BC, CD va SA.Mit phang (MNP) chia khéi chép thanh hai phan c6 thé tich lan

lugt 1a ¥, va ¥,. Biét rang ¥, <V, tinh ti s6 71
2

B. C. é D. 2
6 3

N |~

A. 1.
Cau 47: Cho hinh chop S.ABCD c6 day 1a hinh binh hanh. Goi M, N va P lan luot 1a trung diém cua
cac doan BC, CD va SA. Mit phang (MNP) chia khéi chop thanh hai phan c6 thé tich lan

lugt 1a ¥, va ¥,. Biét rang ¥, <V, tinh ti s6 7

2

D. 2.
3

B.

N | =

AL

Chon A

Tacd BH = lAH suy ra B la trong tdm cua tam gidc SAT

BQ ﬁ —:@—l.Tuongtutacé,% l
4 SD 4

Do @0,
BU AB 2 BS

Vsrry _SP SR _ 13 _3_ Vspry _ 3
Vs apn SA'SD 24 8 Vs isc 32"
V.
Tuong tu, ta co _S.pom_ :i‘
s.apcp 32
Lai ¢6 Vsruy _SP_1_ Vspun _ 3
Veurv  SA4 2 Veupep 16
Vsave _ 1

Vs.apco 8 .
3 3 3 1 1
TZ jVSABCD ) = Vsasep -

_+_

Suy ra thé tich khéi da dién chtra dinh S 1a V; =
32 32 16 8

Vi
Vay L =1.
V)
Céu 48: Cho hinh lang tru ABCD.A'B'C'D’ c6 day 1a hinh vudng. Hinh chi€u vudng goc ciia 4" 1én mat
phiang (ABCD) 1a trung diém AB, goc gitta mp(A4'CD) va mit phang (4ABCD) 1a 60°. Thé

3
tich cta khéi chop B'ABCD 1a 83 . Tinh theo @ d6 dai doan thiang AC .




A. 2432 B. V2a. C. 2a. D. 22a.
Cau 49: Cho hinh lang try ABCD.A'B'C'D’ c¢6 day 1a hinh vudng. Hinh chiéu vuéng goc cia A’ 1én mat
phiang (ABCD) l1a trung diém AB, goc gitta mp(A4'CD) va mit phang (4ABCD) 1a 60°. The

3
tich ctia khdi chép B'ABCD 1a S\Ea . Tinh theo a d6 dai doan thang AC .
A 2ai2 . B. V2a. C. 2a. D. 2424 .

Loi giai

Chon D

Ta c6: ((A'CD);(ABCD))= A'IH = 60°
Goi AB=x.Tacé: A'Hzx\/g.

1 83 1 \/§x2:8x/§a3
' 3

Mat khac: VBV'ABCD = E‘A,H‘SABCD = T f— g.x & x=2a

Vay AC = 22a.
Cau 50: Cho tir dién ABCD c6 AB=CD=4, AC=BD =5, AD = BC =6. Tinh khoang cach tur dinh
A dén mit phing (BCD).
36 7

. D. —.
7 5 7 2

Cau 26. Cho hinh chép S.ABCD c¢6 ABCD la hinh chit nhat S4=12a, SA L (ABCD) va
AB =3a, AD = 4a . Tinh ban kinh mat cau ngoai tiép hinh chop S.4BCD .
A.R=6,5a. B. R=13a. C. R=12a. D. R=6a.

CAu 51: Cho tar dién ABCD ¢6 AB=CD =4, AC=BD =5, AD = BC =6. Tinh khoang céch tir dinh A4 dén
mit phing (BCD).

3 J
A.ﬁ. B.ﬂ. gﬂ D.ﬁ.
7 5 7 2

Chon C



Dung M, N, P saocho B latrung diém MN, C latrung diém NP, D latrung diém MP.
Khi dé

MN /] CD va MN =2CD =2AB = AAMN vubngtai A.

NP /I BD va NP=2BD =2AC = AANP vuéngtai A.

MP // BC va MP =2BC =24D = AAMP vudngtai A.
AM? + AN = MN* =64 [AM*> =54 [4M =36
Suyra { AN? + AP> = NP> =100 < { AN>=10 = { AN =+/10 .
AM> + AP> = MP> =144 | AP*=90 | 4P=310

Taco V, pp = éAM.AN.AP —15J6 =V, = %VAMNP :# .
Dién tich tam giac BCD: S, = \/p(p—a)(p—b)(p—c) =#.
Tacé d(A,(BCD))zmﬂ:@.
SBCD 7
C6 thé tinh thé tich khdi tir dién theo cong thirc nhanh:
N 156
Visco ZE (a2 +b’ —cz)(b2 +c? —az)(a2 +c’ —bz) =—4 .

Ciu 31. Cho hinh chép S.ABCD c¢6 ABCD la hinh chit nhat S4=12a, S4 L(ABCD) va

AB =3a, AD = 4a . Tinh ban kinh mat cau ngoai tiép hinh chop S.4BCD .
A.R=6,5a. B. R=13a. C. R=12a. D. R=6a.

Loi giai

Chgn A

Ta c6 tAm mit cau ngoai tiép hinh chép 14 trung diém / cia SC.



2 2

Al =%x/AS2 + AB* + BC? =%a\/122 +3°+4% =6,5a.

Céu 52: Cho hinh chép S.4ABC, c¢6 ddy ABC la tam giac déu canh a. Cac mit bén (84B), (84C),
(SBC) lan luot tao véi ddy cac goc lan lugt 1a 30°, 45°, 60°. Tinh thé tich ¥ ctia khoi chép

2 2
_— AI:J@ (4SY L asae

S.ABC . Biét rang hinh chiéu vuéng goc clia S trén mit phang (ABC ) nam bén trong tam giac

ABC.
S
A C
N a M
B
~ a3\/§ ~ a3\/§ ~ a3\/§ _ as\/g
A.V——8(4+\/§). B.V——2(4+\/§). C.V——4(4+\/§). D.V ol

Céu 53: Cho hinh chép S.4BC, c6 ddy ABC la tam gidc déu canh a. Cac mit bén (S4B), (SAC),
(SBC) lan luot tao v6i ddy cc goc lan luot 1a 30°, 45°, 60°. Tinh thé tich ¥ cua khéi chop

S.ABC . Biét ring hinh chiéu vuéng géc clia S trén mét phang (ABC) ndm bén trong tam gidc

ABC.
S
A c
N a M
B
NG NG NG NG
A.V_—8(4+\/§). B.V——2(4+\/§). C.V——4(4+\/§). D.V—4+\/§.

Huéng din giai

Chon A



Goi M, N, P lan luot 1 hinh chiéu cua H 1én cic canh BC, AB, AC; h 1a chiéu cao cia
khéi choép S.4BC.

Khi 46, SNH =30°, SPH = 45°, SMH = 60°.

2
MéSAABczSAHAB+SAHAC+SAHBC©afz%a(HN+NM+HP)<:>HN+NM+HP=¥.
<:>(tan30°+tan45°+tan60°)h:§<:>(tan30°+tan45°+tan60°)h:§

443 a3 3a
AN h=""2 e p=—2%

B2 T o)

h:l azx/g 3a _ a3\/§
304 '2(4+\B) 8(4+\B)'

Cau 54: Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat véi canh AD =2CD. Biét hai mat
phang (SAC), (SBD) cung vudng géc v6i mit day va doan BD = 6; goc gitta (SCD) va mit
day bang 60°. Hai diém M,N lan luot 1 trung diém cua S4,SB. Thé tich khdi da dién
ABCDMN bang

A 128415 B 16&_ c. 18\5/3_ D. 108\/3'

. . s

AABC *

Thé tich khéi chop S.ABC 1a V = %S

15 15

Cau 55: Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat véi canh 4D =2CD. Biét hai mat

phang (SAC), (SBD) cing vudng goc véi mat ddy va doan BD = 6; goc gitta (SCD) va mit

day bang 60°. Hai diém M,N lan luot 1 trung diém cia S4,SB. Thé tich khdi da dién
ABCDMN bang

A 128\/3. B 16\/3‘ C. 18\/3‘ D, 108\/3.
15 15 5 25
Loi giai
Chon C

Goi O=ACNBD.Do (SAC) L(ABCD),(SBD)L(ABCD) = SO L(ABCD).



Theo tinh chét hinh chit nhat: AD® + CD® = BD* <> 5CD* = 6* <> CD = % vi AD = %

Khi d6 dién tich ddy: S, = AD.CD = 75—2

Goi I 1a trung diém cia CD. Do CD 1 SO,CD L OI = CD L (SOI)= CD L SI
= ((SCD),(ABCD))=(81,01)=SIO = 60°.

Trong tam giac SO/ vuodng tai O, OI:Q: 0 ,S/’I\O:60o co: SO:OI.tan60°=@.

2 5 7
Thé tich S.4BCD 1a v =L, so-L72 693 14415
3 35 5 25
: V
Taco Vs isp =Vsper = 2
Do Sy :ZSASAB = Voo :ZVSABD :gV.

Do N la trung diém cua SB = d(N,(SCD))z%d(B,(SCD)) = Vieon =%VSBCD =%V.

3 3.5 1815

Ta c6: Vs oy = Voo +Vscon = gV = Viseomn = V_gV = gV ==

CAu 56: Cho hinh lang tru ABCD.A'B'C'D' c6 day 1a hinh thoi canh bang a va ABC =120°. Géc giita
canh bén 44’ va mit day bang 60°, diém A’ cach déu cac diém A, B, D. Tinh thé tich khdi
lang tru da cho theo a.
3 3 3 3
A.‘“/g. B.“‘/g. C."‘/g. D.‘“/g.
3 2 12 6

Cau 57: Cho hinh ling tru ABCD.A'B'C'D' ¢6 déy la hinh thoi canh bing a va ABC =120°. Géc giita
canh bén A4’ va mit day bang 60°, diém A’ cach déu cac diém A, B, D. Tinh thé tich khdi
lang tru da cho theo a.

a*\f3 a*\f3 a*\f3 a*\f3

A. . B. . C. . D. .

3 = 2 12 6
Loi giai

Chon B




Ta c6 diém A’ cach déu cac dinh 4, B, D cho nén diém A’ s& nam trén truc duong tron
ngoai tiép ciia tam giac ABD.

Ta ¢6 ABC =120° nén ABD = 60° = tam gidc ABD la tam giac déu

Vaytaco A'G L(ABD) véi G la trong tm tdm tam gidc ABD.

D& thiy £(A'4,(ABCD))= & (A'4,GA)= A'AG =60°.

Tam giac ABD déu, AI 1a trung tuyén (I = AC N BD) :>A1=a§ ; AG=§AI= a;/g.
a3
Taco A'G= AG =3 —a.
cot60° 1
NE)

V3
S

T%ﬁ&k%ﬂﬁgﬁuV:AGSWm:AG2&w:¢Z%a¢me:a
Cau 58: Cho hinh chop déu S.ABC c6 SA=2cm va canh day bﬁng lem. Goi M 12 mot diém thudc
mién trong ciia hinh chdp nay sao cho SM = %E , voi G 1a tam dudng tron ndi tiép tam giac

ABC.Goi a, b, c lan luot 1a khoang cach tr M dén cac mit phang (S4B), (SAC), (SBC).

Tinh gié tri cia biéu thic P=a+b+c.

A.Pzi. B.P:7 165. C.P:2 165. D.P:w.
45 45 135 45

Cau 59: Cho hinh chop déu S.ABC c6 SA=2cm va canh day bﬁng lem. Goi M 12 mot diém thudc
mién trong cuia hinh chdp nay sao cho SM = %E , voi G 1a tam dudng tron ndi tiép tam giac

ABC . Goi a, b, c lan luot 1a khoang cach tr M dén cac mit phang (SA4B), (SAC), (SBC).

Tinh gié tri cia biéu thitc P=a+b+c.

A p=165 B. p= V165 c. p= 2165 p. p=216
45 45 135 45
Loi giai

Chon D



Cich 1: S.4BC 14 hinh chép déu nén tam gidc ABC la tam gidc déu va G ciing la trong tim
tam giac ABC.

AGzzgz£ GN = 1f \/; SG=~/SA* - AG* = \/?

b

3 3 32
_ _2 _2gx =2._SGGN
d(M,(S4B)) =d(M ,(SAC))—d(M,(SBC))—3d(G,(SBC)) 0K S oo
hes

_2.
3

2165
45

Suyra P=a+b+c=

Cach 2: a= b—c—id(G(SAC) 26K

NN N RV (RO [TIEN 3

GK® GN? G52 45

Cau 60: Cho lang tru ABC.A'B'C’ ¢6 day la tam giac déu canh g . Hinh chiéu vuéng goc ciia diém A’ 1én mat
phing (ABC ) tring véi trong tim tam giac ABC . Biét khoang cach giita hai duong thing 44’ va

BC bing X3 Khi do thé tich cia khéi ling tru 13
3 3 3 3
_.‘“5. B.‘“g. C.‘“g. D.‘“g.
12 3 24 6

Cau 61: Cho lang tru ABC.A'B'C’ ¢6 day la tam giac déu canh ¢ . Hinh chiéu vuéng goc ciia diém A’ 1én mat
phing (ABC ) tring v6i trong tim tam giac ABC . Biét khoang cach giita hai duong thing 44’ va

BC bing 22 Khi do thé tich cia khéi lang tru I3
3 3 3 3
_.“‘/5. B.“‘/g. C.“‘B. D.“‘B.
12 3 24 6
Loi giai

Chon A



Do A4ABC déu trong tim G va A'G L(ABC) nén A'.ABC 1a hinh chop déu.

)

Goi M 14 trung diém cua BC, khi d6 AM = IN° s 46=2

Goi H 1a hinh chiéu cia M trén AA'. Khi d6 do BC J_(AA'M) = BC 1 HM nén HM 1a

dudng vudng goc chung cua hai duong thing 44’ va BC. Do d6 HM = f
a2
Dit A4 =A'B=AC=x,khidé AG=,|x’——
Do 28, = A'G.AM = MH.AA' = “\/_ —2?“.
2
Do S, 50 = #’ A,ngjVABCABC A'GS, 5 = T\/g

Cau 62: Cho tir dién ABCD c6 thé tich V', hai diém M , P lan luot 1a trung diém 4B, CD, diém N
thugc doan 4D sao cho DA=3NA. Tinh V,,,.
AL B. ..
16 12

Cau 63: Cho tir dién ABCD co thé tich ¥, hai diém M , P lan luot 1a trung diém 4B, CD, diém N
thuoc doan 4D sao cho DA=3NA. Tinh V,,,.

A. K B. K C.
— 16 12

C. D.

ENEIN
NI

INGIAN
I

Loi giai
Chon A



, 1 1 11
Taco Vi = Ed(M’(BNP))'SBNP = EVABNP = ZVDBNP =5

1

Cau 64: Nguoi ta dung trén mat dat béng phéng mdt chiéc 1éu tir mot tAm bat hinh chit nhét ¢ chiéu dai
12m va chiéu rong 6m béng cach: Gap do6i tdm bat lai theo doan ndi trung diém hai canh 1a
chiéu rong cua tdm bat sao cho hai mép chiéu dai con lai cua tim bat sat dt va cach nhau
x(m). Tim x dé khong gian phia trong 1éu 16n nhat.

A. x=33. B. x=3. C.x=4. D. x=32.

Cau 65: Nguoi ta dung trén mat dat béng phéng mdt chiéc 1éu tir mot tAm bat hinh chit nhét ¢ chiéu dai
12m va chiéu rong 6m bang cach: Gap doi tim bat lai theo doan ndi trung diém hai canh 1a
chiéu rong cla tAm bat sao cho hai mép chiéu dai con lai cia tAm bat sat dit va cach nhau
x(m). Tim x dé khong gian phia trong 1éu 16n nhat.

A. x=33. B. x=3. C.x=4. D. x=32.
Loi giai

Chon D

Ta c6 thé tich cta 1éu 1a ¥V =3xA/36—x7 .

Dé khong gian phia trong 1éu 16n nhét thi Vax -

2 2
V =3x4/36 - x* S3.%=54 vO1 moi x 6(0;6).

Dau "=" xdy rakhi x =+/36—x* o x=32.
Cau 66: Cho hinh chop S.ABC, c6 cac canh bén S4, SB, SC tao voi day cac goc béng nhau va déu
bang 30°. Biét AB=5, AC =7, BC =8, tinh khoang cach d tir 4 dén mt phang (SBC).

35\/5. B.d:35\@. c.d:35\@. D_dzssJB_
52 13 52 26
Cau 67: Cho hinh chop S.ABC, c6 cac canh bén S4, SB, SC tao vo6i day cac goc béng nhau va déu
bang 30°. Biét AB=5, AC =7, BC =8, tinh khoang cach d tir 4 dén mt phiang (SBC).
:35\/5. B.d:35\@. C.d:35\/§‘ D,d:35‘/ﬁ_
52 13 - 52 26
Loi giai

A.d=

A. d

Chon C



Goi H 1a tam duong tron ngoai tiép AABC. Khi d6 ta co6 SH L (ABC) va SA=S8SB=SC.

S

AB+BC+CA 5+7+8

Taco p= : == =10 = S, 50 =+/P(p—4B)(p—BC)(p—C4) =1043.

Ma s, -ABACBC . ABACBC_ 73 |

4R 48, s 3

37

Ta lai c6 SH = HC tan 30° _RTZE

2
HMZ:HCz—MszRZ—Bf =%:>SM NSH? + HM? = 2\/7

1
Vs anc ZESH Spipe = d[A SBC :I ASBC

7
21043
:>d[A SBc)] SH.S,5c _ SH.S, 5c __3 _35V39 .

Sassc ;SM.BC 12J13 2

2
Cau 68: Cho hinh chép tam giac déu S.ABC c6 canh day bang 1, goc giita canh bén va mit day bang
60°. Goi A', B', C' lan luot 1a cac diém doi xung cua 4, B, C qua S. Thé tich cua khoi da
dién ABCA'B'C' biang
V_2‘/— B. V =243, oyt b3
3 2
Cau 69: Cho hinh chop tam giac déu S.4BC c6 canh day bang 1, goc giita canh bén va miat day bang
60°. Goi A, B', C' lan luot 1a cac diém ddi ximg cia 4, B, C qua S. Thé tich cta khdi da
dién ABCA'B'C’ bang
V_zf B.V =24/3. c.y-43 Dy
3 2
Loi giai
Chgn A



* Taco BCB'C' 1a hinh binh hanh nén V0 p0 =2V, sepe =8V ipe -

S

B

* Xeét tam giac ASAG trong do G 1a trong tam tam gidc AABC ta co:
j—gz tan 60° = SG = AG.tan60°:?.\/§ =1.

1 3 23

= VS.ABC = E‘SG‘SAABC = E = VABCA’B’C’ = 3



Ciu 1: (THPT Chuyén Hung Vwong-Phti Tho-lin 1-NH2017-2018) Cho khdi hop chit nhat

Cau 2:

ABCD.A'B'C'D' ¢6 thé tich bang 2110. Biét A'M =MA; DN =3ND'; CP=2PC'. Mit
phang (MNP) chia khdi hop da cho thanh hai khéi da dién. Thé tich khéi da dién nho hon bang

D' C'
4 N B’
A [P
M-
) N c
A B
AL 7385 ‘ B. 5275' C. 8440 ‘ D. 5275‘
18 12 9 6
Loi giai
Chon D
D' C’
A !
NA----__| B’
i B P
M .\_,\
! 0
) R I C
A B
Ta co- VMNPQ.A’B’C’D’ :l(A'M N C,Pj=l(l+lj:i.
seoapey 2\ A4 C'C 2\2 3 12
5 5 5275

Vo = VMNPQ‘A’B’C’D’ = E ABCD.ABCD' — E -2110= 6

HET (THPT Chuyén Quang Trung-

Binh Phuéc-1an 1-nam 2017-2018) Xét khéi t dién ABCD, AB =x, cic canh con lai bang
24/3. Tim x dé thé tich khéi tir dién ABCD 16n nhét.
A. x=+6. B. x=22. C. x=+14. D. x=3/2.
Giai:
Chon D



[Phwong phap tu luén]

Goi M, H lan luogt 1a trung diém cua AB va CD.

CM 1 AB
DM 1 AB
Ta c6: ACAB = ADAB(c.c.c) suy ra MC = MD . Ta duoc MH L CD.

Tt dién BMCH c6 duong cao BM , day la tam giac MHC vuodng tai H .

Co BM:%; BH =~/BC? —CH?> =+/12-3 =3

Ta c6 tam gidc ABC, ABD can lan lugttai C va D. Suyra { < AB 1 (CDM).

2 2
HC =~3; HM =~/ BH? —=BM* = 9—%.Suyra SMHC:%.MH.HC:%. 9—%.\/5.

zﬁ g X
2 4

xf x_2 2\/§x\/_7x: 2[1( +9_x:2]:¥.

Vay gia tri 1on nhdt cia thé tich khéi t¢ dién bang % dat  khi

% 1

ABCD

=2V, =2.2V,

BMHC

—4.

BMCD

UJ

2 2
X X

T o9 =18 x=32.
4 4

[Phwong phap tric nghiém)]

o3

Thuc hién nhu phuong phép tu luan dé cé duge V = 9 —? Nhap ham sé bén vao may

tinh.
CALC 6 , duge ¥ ~3.872.
CALC 242, dugc V7 ~4.320.
CALC /14, dugc V ~5.066.
CALC 32, duge V ~5.196.
Céu 3: (THPT Hoa Lu A-Ninh Binh-Ian 1-nam 2017-2018) M4t vién d4 cé hinh dang 1a kh&i chép ti giac

déu vai tat cd cac canh bang a. Ngudi ta cat khdi da dé bdi mit phang song song véi day cla khdi
chép dé chia khai da thanh hai phan cé thé tich bang nhau. Tinh dién tich cla thiét dién khéi da bj cat



bdi mit phang néi trén. (Gid thiét rdng téng thé tich cua hai khéi dd sau vén béng thé tich cia khéi dd

déu).
24° a’ a’ a’
A. . B. —. C. —. D. —
V3 2 4 4
Lo gidi
Chon D

GoiM,N,P,Q 1an luot 1a giao diém cta mat phflng cit v&i canh bén S4, SB, SC, SD
SO 1 (A4BCD)
(MNPQ)||(ABCD)

W SH_SM_SN_SP_SQ_
SO S4 SB SC SD

va H = SON(MNPQ). Do { = SH L (MNPQ)

k (k>0) (Pinh ly Thales) va V =V ;.

oo Dmws _ Jae  Touro (U SN 50U 5P SO) Lo )
V. 2V pe 2Wei» 2\S4 SB'SC S4A SC'SD) 2
v,
Theo ycbt : 22 3 L
2 P2
|
SH.
Mt ki L= Vomnra 370000 Sy
27 ;SO.SABCD Sasco
1 2 , a

= Simro ZE'SABCD =7~a :%-

Cau 4: (THPT Chuyén Biac Ninh-Iin 1-nam 2017-2018) Cho hinh chép S.ABCD c6 day ABCD la
hinh thang can, AD=2AB=2BC =2CD =2a. Hai mjt phang (S4B) va (SAD) cing vudng
goc vGi mit phang (ABCD). Goi M, N lan luot 14 trung diém ciia SB va CD. Tinh cosin goc

3
gitta MN va (SAC), biét thé tich khéi chp S.4BCD bing = f.
A . 2310 c. 1o p. 35
10 20 20 10
Loi giai
Chon C

Céch 1: Goi () 1a mp di qua MN va song song véi mp (SAD). Khi dé () cit AB taiP,
cat SC tai O, cit AC tai K.Goi [ la giao diém cia MN va QK =1 (SAC).
Suyra:P, Q, K lan luot 1a trung diém cua 4B, SC va AC.

Lai c6: ABCD 1a hinh thang can c6 AD =2AB=2BC =2CD =2a



= AD=2a;AB=BC=CD=aqa
a3 _a+2a a3 B 334

= CH:T;SABCD =

2 2 4
2 3
Nenv, L3 o &N o po Loy o3
3 4 4 2 2 2
2 2
Xét tam giac MNP vuong tai P: MN = (%} +(37aj = a\éﬁ

MP, KQ 1an lugt 1a duong trung binh ciia tam giac ASAB, ASAC = MP//KQ//SA

KN 1a duong trung binh cta tam gidc AACD = KN = %AD =a.

a3 ’ 3a) NE)
Xét tam giac AHC vuong tai H: AC = [TJ +(7j =a3 = KC= a2

Suy ra: tam giac KNC vudng tai C = C 13 hinh chiéu vudéng goc cia N 1én (SAC )
= goc gita MN va (SAC) 1a goc NIC

Khidé:ﬂzﬂzg@1N=3.MN=3.“\/E=“‘/E
MN NP 3 3 372 3

2 2
Xét tam gidc NIC vuong tai C': NC:%;IN: “*éﬁ :Icz\/(“‘?} —(gj = a‘?

—  IC _a\31 a\10 310

= cosNIC=—=

IN 6 3 20

Cach 2. Vi ABCD 1a hinh thang can c6 AD =2A4B =2BC =2CD =2a
= AD=2a;AB=BC=CD=a

a3 _a+2a a3 B 3\/3a>

= CH =S e =75 4

1 3\/§a2 a3\/§
4

=S84=a

nén V., =3 2 SA =
Gan hinh chop vao hé truc toa d¢ nhu hinh vé



Ta co: K(OOO (

2 22
S(O;_ﬁ; J M(z a3, EJ
2 44 2

N = ( ia 3a;/_’ 2} Chon ”1 ( 3;3\/3;—2)cungphuongvéim
A BK 1S4
Nhan xét: = BK J_(SAC)
BK 1 AC

BK :(%;O; 0] 1a vtpt cia (SAC).Chon n =(1;00) cing phuong véi BK

u,.n /
Goi a la goc goc gitta MN va (SAC). Taco sina = ‘ [ =@ :cosa:ﬂ.
o] 20 20

Cau 5: (THPT Son Tay-Ha Noi-lan 1-nam 2017-2018) Cho mét t&m nhém hinh vuéng canh 1(m) nhw hinh
vé duéi day. Ngudi ta cat phan td dam clia tim nhom rdi gap thanh mot hinh chép t& gidc déu cé canh
ddy bang x(m), sao cho bdn dinh cda hinh vuéng gap lai thanh dinh cla hinh chép. Tim gid tricla x

dé khdi chdp nhan duoc cd thé tich Ién nhat.

A x= Q . B. x= Q .
4 3
Hudng dan giai
Chon C
S S
\\\\ A E
B oo AP
M\\\ ---------
C \\\\
S, B

V2 -x
2
Khi gap thanh hinh chép S.ABCD thi S, =S néntacd SM =SM .

Tir d6 SO =+SM?> -0OM* :_vz—zzﬁx. (Diéu kién O<x<% )

Tt hinh vudng ban dau ta tinh dugc OM = %, SM=850-0M =



Thé tich khéi chép S.ABCD: V, 0 = %SABCD SO = %xz J2-242x = %\/2;5‘ N

Ta thdy V., 16nnhitkhi f(x)=2x"-2J2x°, 0<x < % dat gia tri 16n nhat

Tacd f'(x)=8x"~102x" = 2x’ (4-5v2x)

x=0
f'(x) =0 L &
5
Bang bién thién
X 0 & ﬁ
5 2
1'(x) + 0 -
S

22

Vay: ¥V, scp 160 nhét khi va chi khi x = =

Cau 6: (THPT Son Tay-Ha Ngi-lan 1-nam 2017-2018) Cho hinh chép S.ABCD cé canh SA = x con tat ca
cac canh khac c6 d6 dai bang 2. Tinh thé tich J/' 16n nhat caa khéi chép S.ABCD .

AV =1 B.V:%. C.V=3. D.V=2.

Loi giai

Chon D

Goi O 1a giao diém ciia AC va BD. Ta co:
ABAD = ABSD = ABCD nén A0 =S80 =CO = SO = %AC = ASAC vuédng tai S

Do d6: AC =~/SA* +5C> =~/x* +4

2 2
SODZN/ADz—Aozz\/4—42x =\/122x 33D=x/12—x2,0<x<2\/§

. [BDLAC
Ta thay: 0 :>BDJ_(SAC)
.. [SHLAC
Trong ASACha SH 1 AC . Khi do: D:>SHJ_(ABCD)
1 1 1 SA.AC 2.x

SH* 84 SC* JSA +8C7 4+

1 5 2 2x _l . <lxz+12—xQ_2
Vx T +4412—x .m—3.x.\/12 X _3—2 =




Dau "=" xay ra khi x> =12-x’ = x=+6.
Cau 7: (THPT Yén Lac-Vinh Phiic-lan 1-nam 2017-2018) Cho ling tru ABC.A'B'C" ¢6 day la tam gidc

déu canh . Hinh chiéu vudng géc cta diém A4’ 1én mit phang (ABC) tring véi trong tim tam

., . £ , , -~ . \ M P M a\/§ . 2 L,
giac ABC. Biét khoang cach gitta hai duong thang 44" va BC bang e Khi d6 thé tich
ctia khéi lang tru 1a

a3 a*\f3 a3 a3

A. . B. . C D

= 12 6 T3 T4
Loi giai

Chgn A

c

Goi H la trong tim tam giac ABC va I 1a trung diém BC. Ta co

A'H 1 BC

Al L BC = BC L (A'Al)= BC L A4'.

AHNAI=H
Goi K 14 hinh chiéu vuéng goc cua I 1én 44'. Khi d6 IK 1a doan vudng goc chung caa A4’
va BC nén IK=d (A4, BC)= %. Xét tam giac vudng AJK vudng tai K cd

IKzﬁ, ar =23 e 2L = a0
4 2 2
Xét tam giac vudng AA'H vuong tai H c6 A'H=AH tan30° = #? = %.
R B3 a a3
Vay Ve e = ke .
4 3 12

Cau 8: (THPT Yén Lac-Vinh Phtic-1an 1-dé 2-nam 2017-2018) Cho lang tru ABC.A'B'C" ¢6 day la tam

gidc déu canh a. Hinh chiéu vudng goc ciia diém A4’ 1én mit phing (ABC) tring véi trong

NE

tam tam giac ABC . Biét khoang cach giita hai duong thing 44' va BC bang aT. Khi d6

thé tich ctia khdi lang try 13



Goi H 1a trong tam tam giac ABC va / 1a trung diém BC. Ta co

A'H 1 BC
AI LBC = BC 1(AAl)=BC L A4.
AHNAI=H
Goi K 1a hinh chiéu vuong goc ciia / 1én 44’ . Khi d6 IK 1a doan vudng géc chung ciia A4’
va BC nén IK=d(AA4', BC) = a43 . Xét tam gidc vudng AIK vuodng tai K co
IKZ&, ar =23 e 2L = a0
4 2 2
Xét tam gidc vudng AA'H vudng tai H c6 A'H=AH tan30° = #g = %
N3 a a3
Vay V oo iper = —= .
Y Vpc.apc 4 3 12

Cau 9: (THPT Viét Tri-Phtt Tho-lan 1-nam 2017-2018) C3t ba géc cla mot tam gidc déu canh bang a cac
doan bang x,(O <x< %) phan con lai |a mot tam gidc déu bén ngoai la cac hinh chi nhat, réi gap céc

hinh chi? nhat lai tao thanh khéi I8ng tru tam gidc déu nhu hinh v&. Tim d6 dai x dé thé tich khdi ling
tru 1&n nhat.




=
ol

c. 2
5

W
NN

Lo giai

Chon D

=

M s e . a o X N 2., U R
Lang tru tam gidc déu cé canh day a —2x, (O <x< Ej, chiéu cao —= nén thé tich khéi lang tru la

NE)

Xét tam giac AMI nhu hinh vé, dit AM = x >0, ]\7/1\12300 =Ml =

(a—2x)2\/§ X a’x—4ax’ +4x°

4 3 4

V=

Tacantim x e (@%} dé thé tich V' dat gid tri lon nhat.
a
x=—
Xét f(x)=a’x—4ax’+4x°,c6 f'(x)=12x" —8ax+a’ =0= 6
a
x=—(/
‘(1)
x 0 a a
6 2
f’(x) + 0 _

f(x) / \

’ . . a
Tur bang bién thién suy ra thé tich V' dat gid tri I&n nhat khi x = g

Cau 10: (THPT Viét Tri-Phtt Tho-lan 1-nim 2017-2018) Cho hinh chép S.4ABCD cé day I3 hinh thang
vudng tai 4 va B véi BC 1a day nhd. Biét rang tam gidc SAB déu cé canh 13 2a va ndm trong mét
phang vudng géc véi day, SC = ax/g va khoang céch tlr D t&i méat phang (SHC) bang 2a\/§ (voi
H latrung diém cta AB ). Thé tich khéi chép S.ABCD la

3 3 3 3
A.‘“/g. B. L. c. 2 D. 4“‘6.
3 3 3 3

Loi giai
Chon D



E
Goi E la hinh chiéu cia D lén CH , tac6 DE L(SCH) = DE =d(D,(SCH))=2av2.

Vi SH 14 dudng cao ctia tam giac déu SAB nén SH = a+/3 va

CH =~/SC* —SH? =5a* =3a* = a2
BC=BH=a

Ta co: S,y =%DE.CH =%a\/§.2a\/5 =2a°.
Dit AD=x>0.

+x).2
S ise zwzax+a2 (1)

Mit khac S, = S.puc + Sacup +Sasmn =%a2+2a2+%ax=%a2 +%ax (2)

Tu (I)Vé (2): %az +%ax=ax+a2 < x=3a.

4a3\/§
3

. 1 1
Vay Vs isep = 5.SABCD.SH :§4a2.a\/_ -

Cau 11: (THPT Thach Thanh-Thanh Hoéa-nam 2017-2018) Mgt nguodi xay nha xudng hinh hdp chix
nhat c6 dién tich mat san 1a 1152 m* va chiéu cao c¢6 dinh. Nguoi d6 xdy cac birc tuong xung
quanh va bén trong dé ngin nha xudng thanh ba phong hinh chit nhat co kich thudc nhu nhau
(khong ké tran nha). Vay can phai xay cac phong theo kich thudc nao de tiet kiém chi phi nhat
(b6 qua do day cac birc tuong).

*+--t--=-=-°
1
1
Il
1
1
1

v--f---->
1
1
|
1
-
1
1
|

A. 16 mx24m. B. 8mx48m. C.12mx32m. D. 24mx32m.
Loi giai
Chgn A
bat x, y, h lan luot 1a chiéu dai, chiéu rong va chiéu cao mdi phong.
384

Theo gia thiét, tacé x.3y=1152= y ="+
X

Dé tiét kiém chi phi nhat khi dién tich toan phan nho nhat.



Taco S, =4xh+6yh+3xy=4xh+6.ﬁh+1152=4h(x+ﬁj+1152

X X
Vi h khong doi nén S, nho nhatkhi f(x)=x +27 (vi x> 0) nho nhé.
X
Cach 1: Khao sat f'(x)= 5+ 278 6 x>0 tadugc f(x) nho nhatkhi x=24= y=16.
X
Cach 2. BDT Cosi x+ﬁ2 2, /xﬁ =48. Ddu “="xayra < x _376 —>x=24.
X X X
Cau 12: (THPT Thach Thanh-Thanh Hoéa-nam 2017-2018) Mot nguoi can lam mot hinh lang try tam
gidc déu tir tim nhwa phang dé c6 thé tich la 6/3 cm®. Bé it hao ton vat liéu nhét thi cAn tinh
d6 dai cac canh ctia khéi lang tru tam giac déu nay bang bao nhiéu?
A. Canh day bang 246 cm va canh bén bang 1 cm.
B. Canh day bang 24/3cm va canh bén bang 2 cm.
C. Canh day bang 242 cm va canh bén bang 3 cm.
D. Canh day bang 43 cm va canh bén béng%cm .
Loi giai
Chon B
A’ B'

Gia sir hinh lang try tam giac déu can lam 13 ABC.A'B'C’ ¢6d6 dai AB=x, AA' =h.
J3 J3

Khi @6 SAABC = sz va VABC‘A,B,CV = SABC.AAI = szh .

Theo gia thiét gxzh —63 = h=22

X
Dé it tén vat liéu nhét thi dién tich toan phan cua khéi ling tru 4BC.A'B'C’ 1a nhé nhat.
Goi S, la tong dién tich cac mit cta khéi ling tru ABC.A'B'C’, ta c6:

NG B, 7
—x’+—=.

= —X
ABB'A
2 X

NG

sz +7—2 trén (0;+00), ta duge f'(x) nho nhét khi x = 2+/3.
x

S, =285 +3S >+ 3hx =

tp AABC
Khao sat f(x)=

Véi x=2/3=>h=2cm.

Cau 13: (Truong BDVH218LTT-khoa 1-nam 2017-2018) Cho khdi chép S.4BCD c6 day 1a hinh binh
hanh, c6 thé tich béng 24 cm’. Goi Ela trung diém SC . Mot mat phéng chita AE cét cac canh
SBva SD lan luottai M va N . Tim gia tri nho nhat cua thé tich khoi chop S.AMEN .
A.9cm’. B. 8 cm’. C.6cm’. D. 7 cm’.



Chon B
s
.. SM SN ,
bat S_B =4, S_D =b.TacO Vs iy =V aw Vs onw -
x SM SN
Do dbédécd 7. =6 —+—|=6(a+b).
S.AMEN ( SB SD) ( )

Ta co a+b=%+& = SGSM + SGSN _ 3(SGSM +SGSN)
SB SD SGSB

SGSD S SBD

(a +b)2 4

3w 3SM.SN sarbal

Sa+b= = =3ab<3
Sen SB.SD 4

I

Do 6 Vy ey =6(a+b)>6—=8.

Cau 14: (Trwong BDVH218LTT-khoa 1-nam 2017-2018) Trong khong gian cho 3 tia Ox, Oy, Oz

vudng goc voi nhau doi mot. Didm A4 ¢b dinh thudc tia Oz va O4=+/2. Cac diém M va N
1an luot lwu dong trén cac tia Ox va Oy sao cho OM +ON =2 (M, N khéng tring O). Tim
gia tri nho nhat cua ban kinh mit cau ngoai tiép tr dién OAMN .

B3

A N2, B. 1. C.2. D. .
Loi giai
Chon B



Trong tam giac vudng OBC, goi M 1a trung diém canh BC khi d6 H 1a tim duong tron
ngoai tiép tam giac OBC . Tir H dung duong thang A song song voi O4, suyra A 1a truc
dudng tron tam giac OBC . Mt phéng trung truc cia OA4 qua E va cit A tai /. Khido 7 1a
tAm mdt cdu ngoai tiép t dién OAMN va ban kinh R =OI .

2
Tacéd R=0I =~IH> + OH’ :,/% +OH’ :‘/%+OH2.

Vay OI nho nhat khi va chi khi OH nhé nhét khi ca chi khi A 14 hinh chiéu vudéng goc clia
O 1én BC. Khi d6 tam giac OBC la tam giac vudng can va

V2 1 1

OM =ON =1=> MN =+/2 =OH="-=R=\_+_ =1
Cau 15: (THPT Chuyén Vinh Phiic-1an 2-nam 2017-2018) Cho khéi chép S.ABC ¢6 SA=SB=SC =a va
ASB = BSC = CSA = 30° Mét phang (a) qua A va cdt haicanh SB, SC tai B', C' sao cho chu vi

, . Ve i
tam gidc AB'C’' nhd nhat. Tinh k = 348C
S.ABC

A k=2-2. B. k=4-23. c.k=i. D.k:2(2—\/5).

Loi giai
Chon B

S
AN
)
C
‘ )
A
B




Cit hinh chop theo canh S4 rOi trai cac mit bén ra ta duoc hinh nhu hinh v& (A4 1a diém sao
cho khi gép lai thanh hinh chép thi tring véi A).
Khi d6 chu vi tam giac AB'C’ bang AB'+ B'C'+C'A nho nhatkhi 4, B', C', A' thang hang
hay AB'+ B'C'+C'A= AA".
Khi d6 tam giac S44' co SAA' = ASB'+ B'SC'+ C'SA' =90° nén vudng can tai S va co
SA=a, SB'=SC’', SAB' =45°.

SA SB @Si sin 45 Sl

Ta co — =— =
sin105° sin45° S4  sinl105°

Do d6 k=%=§—§.§—€=(ﬁ—l)(«/§—l)=4—2\@.

Cau 16: (THPT Binh Xuyén-Vinh Phiic-nim 2017-2018) Cho ba tia khéng dong phang Ox, Oy, Oz d6i
mot vudng goc. Xét tam giac ABC c6 cac dinh A4 trén tia Ox, B trén tia Oy, C tréntia Oz
sao cho tam giac ABC chua trong né mot diém M cb dinh. Thé tich khéi tir dién OABC dat
gia tri nho nhat khi va chi khi:

A. OM vudng géc véi mat phiang (ABC).

B. S e =S.vca =S.up Vo1 kihiéu S, 1a dién tich tam giac ABC.
C. M 1a tam duodng tron ngoai tiép tam giac ABC.

D. Ve = 2Voues VOi ki higu V,,,. 1a thé tich khdi chop OABC.

Loi giai

Chon B

¢
Dit OA=a; OB =b; OC =¢.Vidiém M ¢ dinh va M nam trong tam gidc 4BC . Ta goi
M (X5 V005200 )-

. 1
Taco Ve =Virous +Varosc Vi ose = g(abZM +acy,, +bcx,, )

Ap dung bat dang thiic Cauchy, ta co

4 zé(asz +acy,, +bcxM)2%{/xMyMZMa2bzcz :%%/xMyMZM36V2



<2V > 13/xMyMzM36V2 A= xMyMzM?a6V2 =1 - %xMyMZM‘

Déng thirc xay ra khi va chi khi abz,, =acy,, =bcx,, hay V,, o5 =V ouc =V osc hay

S s =S vca =S, s (Do cung chiéu cao).

A

Cau 17: (THPT Ngb Si Lién-Bic Giang-lin 1-nim 2017-2018) Cho hinh ling try tam gidc ABC.A'B'C’ c6
thé tich 1a 7 va d¢ dai canh bén 44’ =6 don vi. Cho diém 4, thudc canh A4’ sao cho A4 =2.Céc
diém B,, C, lan lugt thudc canh BB', CC' sao cho BB, =x, CC, =y, & d6 x, y la cdc s6 thuc

duong théa man xy =12. Biét rang thé tich cla khoi da dién ABC.4 B,C, bang EV. Gia trj cla

|x—y| bang

A. 3. B. 4. C. 1. D. 0.
Loi gidi

Chon C

Goi M, N lan lugt thudc BB’ va CC'saocho BM =CN =2. Khidétaco

1, x+ty-4 1 x+y-4 2
Vinc.anc, =Vancan +Vamnan =3V + 0V ancew =3V + 753

2 pik 1
Mat khac theo gia thiétta co Ve 45 = EV nénsuy ra

R At 7 N
3 12 3 2 3012

L, x+ty-42, 1 1 “_y“‘% o x+y=7,kéthopvéi xy=12.Tacé

1
2



x=3 x=4
hodc .Do dé |x—y|=l.
4 y=3

Cau 18: (THPT Ngb Si Lién-Bac Giang-lin 1-nam 2017-2018) Cho kh&i chép lang try tam giac déu
ABC.A'B'C' ¢6 S 5 =83, mit phing ABC' tao véi mit phing day goc a(0< a <%) Tinh

cosa khi thé tich khéi lang tru ABC.A'B'C" 1&n nhat.

A. cosazl. B. cosazz. C. cosazﬁ. D. cosa=—2.
3 3 3 3
L& gidi
Chon C
A B’
4
e A B
: c
bat CC'=h, CH =b, AB=a.
Khido V. yper = Spupeh = Syuper-h.cos a=83h.cos .
2
Ta co SAABC,:lC'H.AB:l. ,h .azl. ,h .i.bzl. ,h .hcotazL. ,hz cosa
2 2 sina 2 sina \/5 3 sinx \/5 sin”
2 2
nén 8\/7=L. .h cosar < hr =240 %
V3 sina cosa
as ) ) ) sin’ a ) .2
T do Vg pper =8\3h.cosa < V' =192h*.cos’ a = 4608 - -cos” a =4608sin” a cosa.
cosa

= 4608(1 —cos’ a)cosa = 4608(c0sa —cos’ a).
Dit t =cosa,t €[0;1]. Xétham s6 f(¢)=t—1 = f'(¢)=1-3¢.

Taco f'(t)=0<1-3¢ =O®t=%. (ref0:1]).

Taco f(0)=0, f(1)=0, f{%)z%

2

Cau19:vay V, =4608.—== 307243 < cosa = L (THPT Nguyén Khuyén-TPHCM-nam 2017-
3 NE)
2018) Cho tir dién ABCD ¢6 AB=CD=a. M, N lanIuot 13 trung diém cic canh AD va BC.
a’\3

Biét thé tich cia khdi ABCD la V = va d(AB;CD)=a (gidsit MN > %). Khi d6 d6 dai doan

12
MN la:



A. MN =a°/3. B. MN =22 C. MN =2 D. MN = a2 .

Chon C

E" -
Dung hinh binh hanh BDCE . Khi d6 ta c6 d(CD; AB) =d (C; ABE) =a.

Dit MN = x (p%), suy ra AE =2x.

Goi H la trung diém AB , tacd: S, = %-AE-BH = %.2x.«/a2 —x* =xva® —x* . Nén ki hi¢u dién tich
tam giac.

3
V(C.ABE)=V (ABCD) < %.a.x.\/az —x* = “1‘25

2
o xvat—x* = 4 f <= 16x%a” —16x* =3a*

X :iaz av'3
& 4 . Két hop diéu kién, dugc x = ——.
x’ —la2 2
4

Cau 20: (THPT Nguyén Khuyén-TPHCM-nam 2017-2018) Cho hinh chép tam gidc déu S.ABC,

1@ =20°, S4=a, M thudccanh SB, N thudccanh SC, D I3 trung diém canh SA4 . Khi
AM + MN + ND dat gia tri nho nhat thi téng dién tich cac tam giac SAM , SMN, SND |a:
a3 a2 a3

a2
A —. B. . C. . D. .
4 4 8 8

Loi gidi:
Chon D



Hinh 1

Trai cac mat bén cua hinh chop theo dudng cit SA ta dugc Hinh 1.

Khi do, tong AM + MN + ND nho nhatkhi 4, M, N, D' thang hang. V&i 4’ va D' 1a hai diém sao

cho khi gap lai thanh hinh chép thi trung véi 4, D.

Khi d6 tam giac SAD' co ASD' = 60°, SA=2SD'. Suyra ASAD' 14 nira tam giac déu canh S4.

1 az\/g az\/g

Ta duoc SSAM + SSMN +SSND = SSAM +SSMN + SSND’ = Ssup :§~ 4 = 3

Cau 21: (THPT Tam Phwdc-Dong Nai-lan 1-nam 2017-2018) Cho hinh 13p phuwong ABCD.A'B'C'D' c6
bang a. Diém M thudc doan thing BC', diém N thudc doan thiang 4B', MN tao v&i day
mot géc bang 30°. Tinh dd dai nhd nhat clia doan thang MN .

AL B. 2. c. 24 p. 2%
2 3 J6 -1 J6 +1
Loi giai
Chon D
B C
£t
A A
N L ~_ |D
N iy e
Ny X
B c’
A D’
MH=a-x-y
) ' ME = HF =BF =x
bit BE=x,BF=y = NF=BF=y
HN =/x* + )"

a-x-y 1 (1)

—MH =tan 30° 5 ;5
HN - JxXr+y? NE)

Ta co: HN
2
N = _c [ 2
c0530° MN \/5 X +y (2)
Tur (1) suy ra 4/x* +)° :\/ga—x/g(x+y)2x/§a—\/g\/x2+y2 :>\/x2+y2 > V3a

x/6+1
2a

\/8+1'

Tir (2)suy ra MN >




Ciu 22: (THPT Chuyén Hung Vuong-Binh Phudc-Tin 2-nim 2017-2018) Trong mt phang (P) cho
tam giac yyy cb dinh. Trén duong thang 4 vudng géc voi mit phiang (P) tai diém y va vé
hai phia cua ( P) ta 1y hai diém 4, g thay ddi sao cho hai mit phiang 4yz va gyz ludn

vudng goc v6i nhau. Hoi vi tri cia 4, p thoa man dicu kién ndo sau day thi thé tich khi t

dién 4Byz la nho nhat.

A. XB=2XA. B. XA=2XB.

C. XAXB=YZ". D. X la trung diém ciia doan 4B .
Loi gidi

Chon D

Cach 1:

Thé tich khéi ta dién ABYZ 1aV = %AB.SMYZ :

Do dién tich tam giac XYZ khong d6i nén thi thé tich tir dién ABYZ 1a nhé nhat khi 4B ngin
nhat.
Taco (AYZ) L(BYZ), (AYZ)(BYZ)=YZ.

Ké AF 1 YZ, (FeYZ)= AF 1 (BYZ)= AF 1 BF .

F
a
H
A X B
Trong tam giac vuong AFB, dat @(:a,(0<a<zj = AX = AF , BX = XF .
2 tana cota
Khi d@6 AB:AX+BX:XF( ! + ! ]: ?XF :f(a)
tanay cota sin2a
, —4 XFcos2a
a)=———.
f( ) sin?2a

(o) = _
f(a)—0:>a—4.



o T

Do X va F ¢ dinh nén duong cao XF cta tam giac AXF khong doi.

Duya vao bang bién thién trén ta thiy AB ngan nhat khi o = % Suyra AX =BX = XF'.

Hay X la trung diém A4B.
Cach 2:

Thé tich khéi tir dién ABYZ 1a V = %AB.SAXYZ .

Do dién tich tam giac XYZ khong ddi nén thi thé tich tr dién 4BYZ 1a nho nhat khi AB ngin
nhat.
Dung XF 1LYZ,do YZ L AB nén YZ 1 (ABF), suy ra

((472),(872) = (P4 FB) = 4FB =90

y F
b'e
(24
B
X B
B

Xét tam giac vudng ABF c¢b FX la duong cao khong ddi(Do XF 1a dudng cao ciia AXYZ ¢d
dinh) nén XF? = X4.XB khong doi.
C6 AB = XA+ XB> 2y XA.XB = 2XF khong doi.
Dau bang xay ra khi va chi khi X4 = XB.
Vay thé tich khéi tr dién ABYZ nho nhat khi X 14 trung diém AB .

Ciu 23: (THPT Chuyén Hung Vwong-Binh Phuge-1an 2-nam 2017-2018) Cho hinh chop § 4BC ¢
SA=2, SB=3, SC=4- GO6C LB _45° BSC=60°> CSA=90°- Iinh khoang cich tr p

dén (S4C).
AL B.3. C.1. D. 3.
2 2
Loi giai
Chon D

St dung cong thire gidi nhanh: Cho chép S.ABC ¢6 SA=a, SB=b, SC=c va ASB=a,
BSC =3, ASC = y. Thé tich khéi chop S.4BC la:

V.

abc
s apc = _6 \/1 —cos*a —coszﬂ - coszy +2cosa.cosf.cosy .



Cau 24:

B
Ap dung: Thé tich khbi chop S.4BC la

y

S.ABC —

%\/1 —cos” 45° —cos® 60° — cos® 90° + 2 cos 45°.¢os 60°.c0s 90° =2..

Dién tich tam gidc SAC la S;,. :%SA.AC =4.
3V anc :E_

SSAC 2
(THPT Co6 Loa-Ha Noi-lan 1-nawm-2018) Cho hinh chép S.ABC c6 @6 dai cac canh
SA=BC=x, SB=AC=y, SC=AB =z thoa man x* +y* +z> =12. Gid trj 16n nhét cia thé
tich khéi chép S.4BC 1a

Khodng céch tir diém B dén mit phing (SAC) 1a d(B,(SAC))=

A.Vz%. B.Vz#. C.V:g. D.Vz%.
Loi giai

Chgn A

Cach 1

Trong mét phang (ABC) dung D, E, F saocho 4, B, C lan lugt 14 trung diém cua DE,

DF, EF .Khidotacdé DE=2SA=2x; DF =28B=2y; =28C=2z.Suyra SD, SE, SF

doi mot vuong goc.
1

Taco V0 = ZVS.DEF =

SD.SE.SF .

|~

1
4
SD?+SE> —4x>  |SDP=2(x*+y" =) [sD=2V6-2*
Mt khéc ¢ SD” + SF* =4y” = SE* =2(x* +2° =’ ) = {SE=2\/6- )" .
SE* +SF* =4z2° SF2=2(y2+zz—x2) SF =246



3
Khi do6 VSABCD:%'8~\/(6_)€2)(6—y2)(6—22) S%\/(6—x2+6_y2+6—22J :2\/5.

3 3
22

Vay V ., dat gid tri 16n nhét 1a =

Cach 2

B
Goi M va N lan luot 1a trung diém cua S4 va BC.
Lac d6 MN la duong vudng goc chung cua S4va BC.

2, 2 2
ASMN ta c6 MN =~/SN* —SM? = y++’“

V:lSABCMN sin (54, BC) Y HZ X [ cos’ (54.BC)

6
=—x \/m (» _22)2 Jx B )

—2\/(12—222)(12—2x2)(12 2)7 */_\/86 2)(6-x*)(6-7)
Z%\/(6_Zz)(6—x2)(6—y2)s%\/(6‘22+6—3y2+6—xzj3:2\/5

3

N . e e )
Déubéngxﬁyrakhi{x e Sx=y=z=2.
xX=y=z

Lacdo V =

22
3

Cau 25: (THTT S6 3-486 thang 12 nam 2017-2018) Cho khéi ldng tru ding ABC.A'B'C' c6 ddy ABC latam

gidc cdn v6i AB=AC=a, @:120", méat phang (A'BC') tao véi day mot goc 60°. Tinh thé
tich V' cla khéi lng tru d3 cho.

3 3 3 3
A V=2 By =2 . “\5. D.V=3ﬁ" .
8 8 8

Loi gidi

Chon C
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Cach1: Goi M, I, I' 1anluot la trung diémcta A'C', BC, B'C'.
D 13 diém d6ixing véi 4 qua I, D' |a diém d6i xétng véi A’ qua I'.

[ sn
7 n
~H
4
i D
7’ Pl
cl” 7 /
’ [ W,
’ [ .
’ [ e
4 1 | .
’ .
4 ! [
’ 1 .
’ 1 v
’ ' .
’ ' 1
4 '// 1
’
v J, 1
’ -1
’ ’ (514
% A B
ikl Brialy” 8 S
A ~—_.7 Y AV VRN
Dol Sy f 7! ~
L - T ’ So
T T~ RS
4 - —— =~ ~
M ) S
_____
C’ D'

Khi d6 méat phang (A'BC') = (A'BDC').

= gobc gilta mat phang (A/BC/) véi day 1a géc gitta mat phang (A'BDC') voi ddy.
Tacé tr giac A'B'D'C' 1a hinh thoi

Vi B'A'C' =120° nén tam giac A'C'D’ 1a tam giac déu canh bdng a = D'M 1 A'C".
Ma A'C' LDD'

Nén A'C' L DM

Vay goc gitta mat phang (A'BDC') V@i day 1a goc DMD' = 60°

:a\/g

D'M =CT
Xét tam gidac A'C'D’, c6: 2 =CB =a3
Ar=2
2
Xét tam gidc MDD' vubngtai D' ¢ DMD' = 60° =aDMD' I3 nira tam gidc déu cé dudng cao
DD' = DD'=D'M A3 =37“.
1 1 a az\/g
S pe ==AT' BC === a3 =
) 272 4
1 , 1 a3 3a B
Vipc amc ZESAA’B'C"DD :E_ 4 7 = g

Cich 2:Ha B'H 1 A'C' .khidé A'C' L(BHB')



Cau 26:

A
1 ’ ! ! ! : o
§ =8 __=-AB.ACsinl20° =
Ta co: \/_
B'H = A'C'.sin120° = %
Theo cong thirc tinh dién tich hinh chiéu S =S, = S =25,
cos 60°
a3
2
elprac=f 3 = BH =+ 2 a3
2 2 *.A'Cl
2
2
Khido BB =NBH? - BH® = [3a" -9 =39
4 2
1 _l azx/§ 3_a_ a3\/§

Vay Vyse amer ZESAA'B'C"DD' 374 2 3

(THPT Lé Van Thinh-Bic Ninh-Iin 1 nam 2017-2018) Cho hinh chép S.4BCD c6 day
ABCD 14 hinh binh hanh. 7 nim trén canh SC sao cho IS = 2/C. Mit phéng (P) chira canh
AI cat canh SB, SD lan lugt tai M va N. Goi V' va V' lan luot la thé tich khoi chép

1

S.AMIN va S.ABCD . Gia tri nho nhét ciia ty s6 thé tich V7 bang

AL B. 2. c 8. D. >
5

Chon C



SM SN ST 2

SM SN ST 2 2

x+ +1+§
v 3 6wy ’
AT 6(x+yj

!

V15 4

Trinh bay lai :

DétS_B:x, SD:y :>x,y>1.D0 ST =2IC :)EZE

SM SN ST 2
Taco S8, 5D 1, 5C :>x+y=l+§=§-
SM SN SI 2 2

Vouun _ 54 SM SN _ 1 (*)
Ve SA SB SD  xy
Vo _ SI SM SN _ 2

S 2L (k)
Vires SC SB SD 3xy

1 ,
CB :EV; Veasw ¥ Vepay =V

y

SABD —

Tir (*),(*):
Vo1 2 Vs 5 8

=+ == .
Do lV xy 3xy V  6xy 6(x+yj 15
2 2

V.

SDi

Vv
I
|

!

Vay mint =5 khi y=y=2.
Vo5 4

Cau 27: (THPT Lé Van Thinh-Bac Ninh-Iin 1 nim 2017-2018) Cho hinh chép S.4BC c6 mit day 1a

tam gidc déu canh bang 2 va hinh chiéu ciia S 1én mit phang (ABC ) la diém A nam trong



tam giac ABC sao cho AHB =150° , BHC = 120°, CHA =90°. Biét téng dién tich mat cau
ngoai tiép cac hinh chép S.HAB, S.HBC, S.HCA la %ﬂ'. Tinh thé tich khéi chop S.4BC.

9 4
AV pe =—. B. Vs e == C.V, yo=4a. D. Vg po =4.

2 3

Loi giai

Chon B

Goi (O;;R,) 1a mit cau ngoai tiép cua S.HAB va I, 1a hinh chiéu cta O, 1én (A4BC) thi dé
thiy 1, cach déu A4, B, H nén no la tim duong tron ngoai tiép tam giac ABH .

AB
) sin150°
Goi M latrung diém SH va dat SH =2x.
Vi O,H =O,S nén tam giac O,SH cantai O, va OM 1 SH .
Tt day ta c6 HMO,I, 1a hinh chir nhat.

Theo dinh li Sin thi /. H =R

Do d6, theo Dinh Ii Pytagores thi R, = O,H =\JO,M?> + MH? =2> + x> =4+ x* .
Suy ra di¢n tich mat cu (0,) 1a S, =4n(4+x7).

Tuong ty, ta tinh duoc dién tich mét cau (0,) 1a S, = 4n(§+ xzj va (0y) 1a 8, = 4n(1 + xz) )

Tong dién tich cac mitcau la S, +S, + S, = n(? + 12x2j .

124 23 43

Suyra: m 76 1o | 2124 hay x=""—, dan dén SH = ——.
3 3 3 3

2B_ 5

Dién tich tam giac ABC 1a S, =

12243 5 4
N3=7.

Vay thé tich khdi chép S.4BC 1a V = 33

Cau 28: (Dé tham khao BGD nam 2017-2018) Cho hai hinh vuéng ABCD va ABEF c¢6 canh bang 1,
lan Iugt nam trén hai mat phang vudng goc véi nhau. Goi S 1a diém ddi xtimg véi B qua
duong thang DE . Thé tich cua khéi da dién 4ABCDSEF bang.

A.Z. B.ﬂ. C.g. D.g.
6 12 3 )
Loi giai



Chon D

Goi V' 1a thé tich can tim. Ta ¢6 V =V; ¢y +Vipp ser (*)
e Ha BH L CE=> BH 1 (CDEF) .

BH’ 2311?2 +Blc2 =22 BH = -

Trong tam giac BEC vudng tai B, ta co:

7

14 —
S5.CDEF \/E 3\/5
1 1
* Viprsce = ABS pep = 1'5 ZE (2) .
1 1 5
Thay vao (*) tacO V =—+—==.
yvao (%) 37276



Cau 1: (THPT Chuyén Vinh Phtic-1an 1 MD 904 nam 2017-2018) Cho hinh 13p phuong
ABCD.A'B'C'D’ canh a.Céac diém M, N, P theo thir tu d6 thudc cac canh BB', C'D', DA

sao cho BM =C'N =DP = % Mit phang (MNP) cat duong thang 4'B' tai E. Tinh d6 dai

doan thang A'E.

A. A'E=5a/3. B. A'E=3a/4. C. A'E=5a/4. D. A'E=4a/3..
Loi giai
Chon A
E
B’ C’
/7
I /D' N
A’ ] ~
| /
M|~
e
/II g
b
KAB S o
Sy 7§
A P D

Lay H, K thudc doan DD', AB sao cho DH = BK =%.

Nhan xét KP//BD va MH//BD nén KP// MH , suy ra 4 diém M K,P,H dong phang.
Tuong tu : MK//AB', DC'//AB'; DC'//HN nén MK//HN suy ra 4 diém M,K H,N dong
phiang.

Vay mit phang (MNP) chita cac diém H, K ddng thoi mat phang (MNP) song song voi mit
phang (BDC'). Suy ra mit phang (MNP) song song véi B'D'.

Xét mit phang (4'B'C'D") , qua N ké NE//B'D' cit A'B’ tai E la diém thoa man yéu cau bai

toan.

Ta c6 B'EDN 1a hinh binh hanh nén B'E = 2?(1 suyra AE=AB'+B'E = S?a‘

Caiu 2: (THPT Kim Lién-Ha No6i nam 2017-2018) Cho hinh chép S.ABCD c6 day la hinh thang vudng

tai 4 va B; AB=BC =%AD =a. Biét S4 vuong goc voi mat phang day, S4 = a~/2 . Tinh

theo a khodng cach d tir B dén mit phing (SCD).

a.

Ad==a. B.d=1q. C.d=a. D.d:ﬁ
2 4 2

Loi giai



B
‘ C
E
Goi [ latrung diém cua doan 4D .
Tacod Al // BC va Al = BC nén tlr gidc
ABCI 1a hinh vudng hay
Cl=a= %AD = AACD 1la tam giac vudng tai C.
Ké AH L SC

AC L CD
Ta co =CD 1l (SCA)
AC LS4

hay CD 1. AH nén AH 1 (SCD)
=d(4, (SCD))=AH ; AC=AB*+BC* =a\2.
SAAC  _ av2.a\2 .
Jsa+ a0 V24 + 24
Goi ABNCD = E , mit khac @:B_C:l nén B la trung diém cua doan AE .
EA AD 2
d(B,(SCD
AUBSCD)) 1 _a ooy L
d(4.,(Scp)) 2 2 2

AH =

Ciu 3: (THPT Chuyén Lwong Vin Tuy-Ninh Binh lan 1 nam 2017-2018) Cho hinh ling tru
ABC.A'B'C' ¢6 thé tich bang V. Goi M, N, P lan luot 1 trung diém cua cic canh 4B,
A'C", BB'. Thé tich cua khoi t&r dién CMNP bang:
A.iV. B. lV. C. lV. D.lV.
24 4 24 3
Loi giai
Chgn A



Goi I la trung diém AC = NPNBI=J .
Laic6 BP// = %N] suy ra BP la duong trung binh tam gidc NIJ . Suyra B 1a trung diém IJ .

Suy ra CM n Bl = G la trong tdm tam giac ABC.

5
—BI
Taco 2w ~9C s JG—BI+BG =BI+2BI = B =S _3 3
Seery  BG 3 3 Seom Bl 2
3
5 5
= SJCM Z_SBCM = SJCM Z_SABC'
, 5
Taco V=V, e ==hS =EV
11 1.5 5
Vy=Vosue ZE'E‘h‘SJMC = 3 h‘g‘SABC = 24 V.
5
Vay V, =V -V, =—
Ay ¥y cup Y

Cau 4: (THPT Chuyén Tran Phti-Hai Phong l4n 1 niam 2017-2018) Cho mét tAm bia hinh vudng canh
50 cm . Dé 1am mot mo hinh kim ty thap Ai Cap, ngudi ta cat bo bon tam giac can bang nhau
c¢6 canh day chinh 13 canh cua hinh vudng rdi gap 1én, ghép lai thanh mot hinh chop tir giac
déu. Pé mo hinh c6 thé tich 1on nhit thi canh day ctia mé hinh bang:



A. 2042 cm. B. 25v2 cm. C.15/2 cm. D. 1042 cm.

Loi gii
Chon A
D A
X
! Q
N o
P
C B
bat MN =x, a=50 cm. Ta co Osz, OA:CI\/5 —oq1=2 2_5_
2 2 2 2
2 2
Duong cao h =+ AI° —OI* :\/[azz —gj —(%j = %(a—x 2).

Vay thé tich cta hinh chép 1a ¥ =%x24 /%(a —x\/i) = %\/a\g/z (2aﬁ—4x)x4 .

Ap dung bét dang thirc Cosi cho 5 sb thuc duong (Za\/E—4x) va 4 sb x,ta
2aN2 —dx+4x )
— 5
co: (2ax/§—4x)x4 < (%MJ = (2«/5) =1282.
2a42
5

Vay V. khi 2a\2-4x=x < x= =20+/2 cm.

Ciu 5: (THPT Doan Thuwong-Hai Dwong-lan 2 nam 2017-2018) Cho hinh chop S.4BCD c6 day la

hinh binh hanh va c6 thé tich 1a ¥ . Biém P 1a trung diém ctua SC, mot mit phang qua AP cit
cac canh SD va SB lan lugt tai M va N . Goi ¥, l1a thé tich khéi chép S.AMPN . Tim gid tri

Y 4
nho nhat cua 7‘?

A

W | N
9
0 | W
=4
W | =

1
=



Chon D
Dét%zx,ﬂzy,0<x,ysl.
SB SD
.84 SC SB SD 1 1 X
Vi—t—=—+—nénl+2=—+—=y=
SA SP SM SN X y 3x-1
Knido oo Vone , Vouwe 1 SASN SP 1 SASM SP 1 1 1 1
Vo 2Veine 2Vsupe 2 SASD SC 284 SB SC 272 2 2
LN WY (NP
4 4 4 3x-1
Vix>0,y>0nén%<x<1
Xét ham s6 f(x):l x+—>—| trén l;1
4 3x-1 3
1 1 2
Tacod f'(x)=—|1-——|; f'(x)=0=x==.
Bang bién thién
x |1 2 1
3 3
V' - 0 +
| 3
y \ 1 /8
3

Vay gi4 tri nho nhit cua % bang %

Ciu 6: (THPT Chuyén Thai Binh-lan 2 nam hoc 2017-2018) Cho hinh chép S.4BC c¢6 SA=x,
BC=y, AB=AC=SB=SC =1. Theé tich khoi chép S.4BC 16n nhét khi tong (x+ ) bang:



A. 3. B.

e

5-

D. 4/3.

5>

Loi giai
Chon C

<

B
Goi H, I tuwong tmg la trung diém cua S4, BC.
AABC = ASBC (c.c.c) = Al =8I
Tam gidc SI4 cantail= IH 1 SA4.
BC L SI

BC 1 Al

1 1 X’ yz Lo, 5 2, 2
Veisc ZESA.BC.legnyl—T—T Sﬂ(x +y )1/4—(x +y )

2, 2 2, 2
X+ X"+
Y o4 Y

}:BCJ_(SAI) = BC L AI;BC L SA.

. <L ; 7 +4—(x2+y2)_

SABC_12‘ -

Dau *‘="" xay ra khi x:y:i.

V3

1
3 9’
Vay Ve 16n nhatkhi x+y = 4
3

Cau 7: (THPT Yén Lac-Vinh Phic-Iin 3 nam 2017-2018) Cho hinh chép S.ABCD c6 thé tich bang V',
ddy ABCD 1a hinh binh hanh. Mt phing (P) song song véi (ABCD) cét cac doan S4, SB,

SC, SD tuongtingtai M, N, E, F(M, N, E, F khac § va khong nam trén (ABCD) ).

Cac diém H, K, P, 0O tuong Gng l1a hinh chiéu vuong goccua M, N, E, F 1én (ABCD).

Thé tich 16n nhat cua khéi da dién MNEFHKPQ 1a

2 4

A V. B. —V. C.
3 27

NJ N

V. D. zV.
9

Loi giai
Chon C



bat k= S—M Ta c6: MNEF va ABCD ddng dang véi ti s k = SM (0<k<1).
SA SA
Do d6 S, = szABCD .

MH MA SA-SM
SA SA
Viwerngro = Suver- MH =S pep k> (1=k).SI =3V k> (1-k)

3
=3 kk(2-2k) &,(Mj _3y
2 2 3 9

Goi SI 1a duong cao cua S.ABCD . Ta co:

1-k.

Vay thé tich 16n nhat ciia khéi da dién MNEFHKPQ 1a %V Khi k=2-2k < k=2

Cau 8: (SGD Bac Ninh nam 2017-2018) Cho tir dién déu ABCD c6 canh bang 1. Goi M, N 1a hai
diém thay d6i lan lugt thugc canh BC, BD sao cho (AMN ) luén vudng goc v6i mit phang
(BCD). Goi ¥}, ¥, lan luot 1a gid tri 16n nhét va gia trj nho nhat cta thé tich khéi tr dién
ABMN . Tinh V, +V,.

A 12 B 12 ¢ 12 p. Y2
216 72 144 12
Loi giai
Chon A

A




Goi H la tim tam gidc BCD,tac6 AH L (BCD), ma (AMN) L(BCD) nén AH —(AMN)
hay MN ludn diqua H .

Taco BH:? = AH =N AB’-BH’ = 1—%:?.
Thé tich khdi chop ABMN 1a V =§.AH.SBMN :%.?%BM.BN.sin 60° :1—‘/2§BM.BN.
Do MN luén diqua H va M chay trén BC nén BM.BN 16n nhatkhi M =C hoic N =D
khi do V, =£.
24

A : 2 2
+ BM .BN nho nhat khi MN//CD khi BM =BN=§ =V, =27
Vay Vi +V, =—17ﬁ-

216

(SGD Ninh Binh nam 2017-2018) Mot hinh hop chr nhat c6 kich thudc
a (cm) x b (cm) x ¢ (cm), trong d6 a, b, ¢ 1a cac sd nguyén va 1<a<b<c.Goi V (cm’) va

S (cm?) lan luot 14 thé tich va dién tich toan phan cua hinh hop. Biét ¥ =S, tim s6 cac bo ba

sb (a,b,c)?
A. 4 . B. 10. C.12. D. 21.
Loi gii
Chon B
B
| C
4 i
i D
B
P Hh > C’
A D
V=ab.c
S=2(ab+bc+ca)
, 1 1 1 1
Tacod V=S8 suyra 2(ab+bc+ca)=abc < —+—+—=—
a b ¢ 2

l:l+l+lgl+l+l:>§21:>as6(doISaSbSc).
2 a b ¢c a a a a 2
l+l+l=l:>l<l:>2<aﬁ6.

a b ¢ 2 a

FVéia=3taco L+l=L o (b-6)(c-6)=36.
b ¢ 6

Suy ra (b,c) €{(7;42),(8;24),(9:18),(10;15),(12;12)} = ¢6 5 cach chon théa man,
+Voia=4taco 1+ L=L o (p-a)(c-2)=16.
b ¢ 4

Suy ra (b,c)e {(5;20),(6;12),(8;8)} = ¢6 3 cach chon thoa man.



b=6
b=5
+Véria=5tacél+l:i:isg:b§§:> , 15 .
c 10 10 b 3 c=10 c=?eZ

Suy ra c6 1 cach chon thda man.
. 1 1 1
+Véia=6tacdO —+—=—=b=c=6.Suyraco 1 cach chon.
c

Vay tong cong c6 10 cach chon.

Cau 10: (SGD Ninh Binh nam 2017-2018) Cho hinh thang can 4ABCD c¢6 day nho 4B va hai

canh bén déu c6 d¢ dai bang 1. Tim dién tich 16n nhat S cta hinh thang.

X

82 42 33

A S =——. B.S_  =——. C.S  =—. D. §

NG
max 9 max 9 max 2 —_ max 4 *
Loi giai
Chon D
Goi H,K lan luot 14 hinh chiéu cia A4, B trén canh CD.
bat ADC = => DH = sina, DH = cosax
S sep = %AH.(AB+ CD)= %sina(2+ 2cosa) = f(a)

f’(a):cosa+200s2a—l:0<:>a:%x

X 0 0

N

/(%) + 0 -

/(%) / \

33

Vay S, =——.
y max 4

Cau 11: (THPT Chuyén Ha Long-Quéang Ninh-lin 1 nam 2017-2018) Cho khéi chép S.4BC c6
M eSA, N eSB sao cho MA :—2m, NS =-2NB. Mat phéng (a)qua hai diém M, N va
song song v6i SC chia khdi chop thanh hai khéi da dién. Tinh ti sb thé tich ctia hai khéi da
dién d6 ( s6 bé chia s6 1on ).

A B. 2 c.’ D.
5 9 4
Huéng din giai

(NN

Chon D



Céch 1: Ta c6 mit phing () cdt cac mit (SAC) theo giao tuyén MQ|| SC va cat mit (SBC)
theo giao tuyén NP || SC. Thiét dién tao bdi mit phing () v6i hinh chép 12 hinh thang
MNPQ.

Do VMNABPQ = VN.ABPQ + VN.AMQ 801V =V g va S =8, taco:

Vi asro :%.d(N,(ABC)) S isr0 —% %d(S,(ABC))(S—% %SJ 277 4
Voo = %.d(N,(SAC)).SAAMQ = %%d(B,(SAC)).gSMSC = %V

VY Vaniaro =Vicasra Vo = 3V = Vaunrae =5V -

Suy ra Vouwoe _ 4

MNABPQ 5

Cach 2:

Goi I =MN N AB ,Ap dung dinh ly Me-ne-la-us cho tam giac S4B, ta co
MS IA NB _ B 1

= — .
MA IB NS 14 4

Ap dung dinh 1y Me-ne-la-us cho tam gidc AAMI , ta co . BL 54 NM =l NM =1.
"BA SM NI NI
Tuong tu ta co: Ech =1. Vi MQ//SC = AM AQ 2
PO AC 3



Khi do; v 1B IN TP 1 1 1_1 _Is

== =2V, o
View 1A IM IQ 422 16 oM —qg 1m0

Ma VM,AIQ d( (ABC)) SAIQ véi d( ;(ABC)):MAZE va
Ve d(S:(4BC)) S5 d(S;(4BC)) S4 3
Suo _ AL _AQ 1g_§
S sc " AB AC 33 9
15 28 5

Suy ra VAMQNBP E'g.g.VSAABCZEVSABC‘

-
Vay ti s6 thé tich can tim 1a 59:5.

9

Cau 12: (THPT Chuyén Lé Quy Pon-Da Nang nam 2017-2018) Tir mot tim bia hinh vuong 4BCD
c6 canh bang 5 dm, ngudi ta cat bo bén tam giac can bang nhau la AMB, BNC, CPD va
DQA . Vi phan con lai, ngudi ta gép 1én va ghép lai dé thanh hinh chép ti gidc déu. Hoi canh
day ctia khbi chop bang bao nhiéu dé thé tich cua no 14 10n nhat ?

A B
9
P
D C
NEC. B. 2dm C. 242 dm . 2 4
2 2 2
Loi giai
Chon C
S
A B .
) N 0
P
D C N

Dt MO = x dm(0<x<5ﬁ).

Taco AO—AZC 5\25, OI=?=§, SI:AI:AO—IO:S\/E_)C.

2 2
Chiéu cao cta hinh chop: SO =+/SI* -0I* = \/[S\ET_XJ —(fj = M

2 2

Thé tich cuia khéi chop: V = %SMNPQ.SO =

1 V50-10x32 1 y50x*-10x'2
30 2 3 2 '

Xétham s6 y =y/50x* ~10x°v2 (0<x<5V2).




x=0g(0;5V2)

,100x" —25x*2

Taco ) = .Khi d6 y' =0 100x° —25x'V2 =0 < .
V50x* —10x°+2 x=22
Bang bién thién
x |0 22 5v2
Y + 0 -

RN

Ham sb y dat gia tri 16n nhét khi x=2v2.
Vay thé tich hinh chép 16n nhat khi x=2+/2.

CAu 13: (THPT Chuyén Phan Boi Chau-Nghé An- Iin 1 nam 2017-2018) Cho khdi t&t dién ABCD c6
thé tich ¥ . Goi G, G,, G;, G, la trong tdm cua bdn mit cua t dién ABCD . Thé tich khéi tir
dién G,G,G,G, la:

AL B. L. c’l. p. L.
27 18 4 12
Loi giai
Chon A

Goi 1,J,K lan luot la trung diém cta BC, BD va DC .
Goi h la khoang cach tir 4 dén (BCD), h, 1a khoang cach tir G, dén (G,G,G, ).
Vi (G,G,G;)//(BCD) nén d(G,.(G,G,G,))=d(G,.(BCD))=G,H,=h', h=AH,.
= ﬁ = K_(;l = l = hl = ﬁ

h KA 3 3
Goi S, §', S, lan luot 1a dién tich cac tam gidc BCD, 1IJK va G,G,G;.
Vi 1,J,K lan luot 1a trung diém cua BC, BD va DC nén:
s'=Lukd(r,0k)=22 Lap,pcy=L L pca(p.Bcy=Ls (1).
2 2°2 2 472 4

1G2 AGI —

Tam giac G,G,G, dong dang vé6i tam giac KIJ véi ti sé dong dang la: GT = DT % .

2
= % = (%) = g =5 = gS’ (2) (Vi ti s6 dién tich bang binh phuong ti s6 dong dang).

Tir (1)va (2) =5, =



Thé tich khéi tir dién G,G,G,G, 1a: V, =151.h1 S N Y Y
3 379°3 273 27

CAu 14: (THPT Chuyén Phan B6i Chau-Nghé An- 1an 1 nam 2017-2018) Cho tit dién ABCD c¢6 thé
tich1a V. Biém M thay d6i trong tam gisc BCD . Cac dudng thang qua M va song song véi
AB, AC, AD lan luot cat cic mat phiang (ACD), (ABD), (ABC) tai N, P, Q. Gia trj 16n
nhit cua khéi MNPO la:

B. —. C.

AL 4 z a
- 27 16 8

Loi giai
Chon A

MN NM
NB '

O Tam giac ABN' ¢c6 MN // AB =

O Tam giac ACP' ¢c6 MP// AC @:m
AC P'C

O Tam giac ADQ' ¢6 QM // AD :@:%.
AD 0D
MN MP MQ_NM PM OM

Khi do: =
AB AC AD NB PC QD

S NM PM OM _ Sy, Sum , Suse _y nag MN  MP MO _

“NBTPC T OD  Suy  Siw  Sics 4B AC ' AD
Laico I’ = (MN MP MQJ 3‘/MN MP MQ (Cauchy)
AB AC AD AB AC 4D
1 . MN _MP_MQ

< MN.MP.MQ <— AB.AC.AD = MN.MP.MQ 16n nhat khi = =
27 AB AC 4D
MN MP MQ 1

= M latrong tam tam giac BCD = = = =— = (NPQ)//(BCD),
e 8 AB AC AD 3 ( Q) ( )

1

Swp La(a(scp))

2\ 1 . 1 ‘
- (5] :Ma Sypg =7 Sucp 18N Sypg =5 Sicp VA d(M,(NPQ))=
N'P'Q'



Vy gi tri 16n nhét cta khoi to dién MNPQ 1a V,,,, = %SNPQ.d (M.(NPQ))

1 1

Voo ..
S Vo = SBCD.gd(A,(BCD)) =27 Vi V isen = gSBCD.ar(A,(BCD)) =V

11

39

Cau 15: (THPT Chuyén Thai Binh-Iin 3 nam 2017-2018) Cho khéi chop S.ABCD c6 day 1a hinh binh
hanh ABCD.Goi M, N, P, Q lan luot la trong tam cac tam giac SAB, SBC, SCD, SDA.
Biét thé tich khdi chép S.MNPQ 1a V', khi d6 thé tich ciia khéi chop S.ABCD la:

2
A2V B.[2] V. c . p. 2
4 2 4 8
Hwéng din giai
Chon A

11 1 1
Mait khac goi S=8 tacO 2RE.—_ —_—_ 5§ =_—§
ABCD . 4 2 8 ADEJ 16
Tuong tu ta co6 M:ljsml :l
ADAB 4 8
1 1 1
Suyra S, ={1- 4.E+2.§ S:ES_
. Sunreo 2) 4 2
M S \3) 79 7 S =5 S
1 13 9. 27
Suy ra Vs pcp =§d(S,(ABCD)).S :E.Ed(S,(MNPQ))ES =57

Cau 16: (THPT Kinh Mon 2-Hai Dwong nam 2017-2018) Cho hinh chop S.4ABCD c6 day ABCD la
hinh binh hanh. Goi M la trung diém cua S4, N la diém trén doan SB sao cho SN =2NB.

< 2 , < . \ L . 2 A VS MNPQ 1/ A
Mait phang (R) chira MN catdoan SD tai Q va catdoan SC tai P.Ti s0 ——= l6n nhat
S.ABCD

bang



=
o | W

Chon D

DefltS—P:x O0<x<l1.Tacéd S—M+£=S—N+£:>£=l+x—%=x—l x>l .
C SA SC SB SD SC 2 3 6

Mit khac ABCD la hinh binh hanh nén c6 V ,p =2V e =2V 40
Vsswp _ SM SN SP lx' Vsurg _ SM SP SQ 1 x(x 1]

Ve pe SA SB'SC 37 Vi,, SA SC'SD 2 6
VS.ABCD 2VSABC 2’VSACD 6 4 6 4 8

, 1, 1 L. 1 1 1 1 1
Xét f(x)=—x"+=—x VoI —<x<1; f'(x)=—x+—-=0=>x=——¢| —;1
f( ) 4 8 6 f( ) 2 8 4 (6 }

Béng bién thién:

| =

V L
Tir BBT ta ¢6 max f(x)= 3. Vay —C dat gia tri 16n nhat bang 3.
(lﬂ} 8 VSABCD 8

6

Cau 17: (THPT Lé Hoan-Thanh Hoéa-lan 1 nam 2017-2018) Cho hinh chép S.ABC c6 S4 vudng goc
v6i ddy, mit phang (S4B) vudng goc véi mit phang (SBC), goc gilta hai mit phing (SAC)

va (SBC)l1a 60°, SB=a~2, BSC =45°. Thé tich khdi chop S.4BC theo a la:

3 3
A.V:alf. B. V =234’. C. V=224 Q.szals\/g.

Loi giai
Chon D



Thé tich khéi chop ¥V = %SA.SABC .
Ké AH L SB suyra AH 1 (SBC).

Do BC LS4 va BC L AH nén BC 1 (SAB), do d6 tam giac ABC vudng tai B.
Ké BI 1L AC = BI L SC vaké BK 1 SC = SC L (BIK)

Do d6 goc gitta hai mit phing (SAC) va (SBC) la BKI = 60°.
Do BSC =45° nén SB=BC =a2 va K 1a trung diém ctia SC nén BK:&\/E -y

2
Trong tam giac vudng BIK c6 Bl = BK.sin60° = @.

Trong tam giac vuong ABC cé 12 _ 1 -+ ! - => 4B BI.BC ay30
BI° AB® BC

“Jec - S

2
S e :%AB.BC _4 F . SA=+/SB* — 4B’ :2“5‘5

i 1 2a°\3
Vay V ZESA‘SABC :T .

Cau 18: (THPT Luwong Van ChasnhPhus Yén nam 2017-2018) Cho hinh chop S.4BC c¢6 cac canh bén
SA, SB, SC tao voi day cac goc bang nhau va déu bang 30° Biét 4B=5, AC=7, BC =8
tinh khoang cach d tir 4 dén mit phang (SBC).

A d:35\/39' B d:35\/39' C. d:35JE_ D. d:35\/ﬁ'
52 13 52 26
Loi giai
Chon C
S
A,
Ve :",\\
A BN
PN NN
// : II| \\\\
/ A ™
rd | “,
/ b \,
- \
A T W
HH“"H H \.' II| //



Goi H 1a hinh chiéu vudng géc ctia S 1én mit phing (4BC)

Ta ¢6 SAH = SBH = SCH =30° (theo gia thiét) nén cac tam gidc vuong SHA, SHB, SHC
bang nhau. Suy ra HA = HB = HC = H 1a tim dudng tron ngoai tiép AABC.
Ap dung cong thirc Hé-rong ta ¢6 S, . = 10~/3.

Mat khac S, ;- :a—bC:RzﬂzHB:E.
4R 3 3
Xét tam giac vuong SHB: SH = HBtan 30° :Z, SB = HB :E.
3 cos30° 3

Suyra V - :§SH'SAABC =¥.
Ap dung cong thirc Hé-rong ta ¢ S, g, = @

37043

3, 9 3539

1
Dodo V =—d.S = g = - 54BC =
A.SBC 3 ASBC SASBC 8 [13 52
3

Céu 19: (THPT Luwong Van ChasnhPhus Yén nam 2017-2018) Cho x, y 1a céc s6 thuc duong. Xét
cac hinh chop S.ABC c6 S4A=x, BC =y, cac canh con lai déu béng 1. Khi x, y thay ddi, thé
tich kh6i chop S.4BC c6 gia tri 16n nhat 1a:

NECl B L e p. Y2,

- 27 8 8 12
Loi giai

Chon A

Goi M, N lanluot 1a trung diém cua SA4, BC. Ta d& dang ching minh dugc MN la doan
vudng goc chung cua S4 va BC.
Suy ra V ype =2V ype -

2

Ta c6 4MN* =4MB> - y*; MB :1_%

4_ 2_ .2
Thay vao ta dugc 4MN* =4MB*> —y* =4—x" —y° N =N TV

Vay Ve =2V vme =£.1MN.BC =ny\/4—x2 -y’ =L\/x2.y2 (4—x2 +y2) .
‘ 32 12 12
4Y 64
Theo bét dang thirc trung binh cong — trung binh nhan ta ¢ x?.)” (4—x2 —y2) < (Ej = 5



23

Vay Vs e < % Dau bang dat dugc khi x=y = R

Cau 20: (THPT D6 Lwong 4-Nghé An nam 2017-2018) Bé mat mot qua bong dugc ghép tir 12 miéng
da hinh ngii giac déu va 20 miéng da hinh luc giac déu canh 4,5cm . Biét ring gia thanh cia
nhitng miéng da nay 1a 150 dong/cm?. Tinh gia thanh cia miéng da dung dé 1am qua bong (két
qua lam tron to1 hang don vi)?

@

A. 121500 dong. B. 220545 dong. C. 252533 dong. D. 199218 dong.
Loi giai
Chon B

* O miéng da hinh ngii gidc, xét tam giac OAB co AOB=72° , AB=4,5cm, trung tuyén

AM , BOM =36°. Do dé tan36° =24 oy = BM __ 4B (o,
oM tan36° 2tan36°
SABoleM.Ale. A8 yp-_8 (em?).
2 2 2tan36° 16tan36°
Dién tich miéng da hinh ngii giac 1a 55 —ﬁ(cmz)
C g gug ABO = 6 1an 36° :

* 0 miéng da hinh lyc giac canh 4,5c¢cm c6 dién tich ca miéng dala

4,5)°\3

(453 _ 243\6(0m2)_
4 8

Vay gia thanh ctia miéng da ding 1am qua bong la

20.243\/3 L1p. 405
8 16tan36°

J.ISO ~ 220545 (ddng).

Ciu 21: (THPT Chuyén Bién Hoa-Ha Nam-lan 1 ndm 2017-2018) Xét khéi t dién ABCD c¢6 canh
AB, CD théa man AB*>+CD* =18 va cic canh con lai déu bang 5. Biét thé tich khéi tir dién
ABCD dat gié tri 16n nhét c6 danh V ax :¥ ; x, yeN'; (x;y) =1. Khi d6 x, y thoa man
bat dang thirc nao dudi day?
A. x+y>—xy>4550. B. xy+2x+y>2550.
C. x> —xy+y* <5240. D. x’—y>19602.

Loi giai



Chon A

Dit AB=a.
Goi M la trung diém CD = CD L AM ,CD L BM = CD 1 (ABM).

g 1 1 1
Khido V,,ep, =Vioe Vs =§SABM.CM +§SABM.DM =§SABM.CD.

Do AM la trung tuyén cua tam giac ACD nén:

2(AC*+4D?)-CD* 2(57+5°)-(18-d%) g244?
AM” = 4 - 4 o4

Tam giac ABM cantai M (vi AM = BM ) nén:

2
1 (82 a
Sy =.AB. | aM? [ 2B =—.a.,/8—=“ 82
2 2) 2Va 4

1 a82 — 82 =~ V82 +18-da® 382
VABCDZE' 1 18—a =T a (IS—a )S TR == =x=3,y=82.

2

CAu 22: (THPT Tran Nhan Tong-Quéang Ninh-Ian 1 nim 2017-2018) Cho ti dién 4BCD va cac diém
M, N, P lan luot thudc cic canh BC, BD, AC sao cho BC=4BM, AC=3A4P,
BD =2BN . Tinh ti s0 thé tich hai phan ctia khoi tt dién ABCD dugc phéan chia boi

mp (MNP).
AL B. L. c. 2. p. 2.
13 15 15 13

Hwéng din giai
Chon A



| E

Goi E=MNNCD, Q=EQN AD, do d6 mit phang (MNP) cét t dién ABCD theo thiét dién
1 tir giac MNQP.

Goi 7 la trung diém CD thi NI||CB va NI=%BC, do BC =4BM nén suy ra NI=§MC.

.. ~ EN EI NI 2
Boivly —=——=—+=—.

Tir 7 1a trung diém CD va ﬂzg suy ra —=l.
EC 3 EC 3
Ké DK| AC véi KeEP, ta c6 LK _KD _ED_
EP AC EC

KD _2 45 Q0 _OK _KD_2
AP 3 Q4 QP AP 3
T K2 G EK 1 Gy E23

QP 3 EP 3 EP 5
Goi 7 la thé tich khdi t& dién ABCD, V; 1a thé tich khéi da dién ABMNQP, V, 1a thé tich
khoi da dién CDMNQP.

SACMP CM Q _ é

%. Mat khac AC=3A4P nén suy ra

2
Tacdo =2 = . —_—=—=S8 =—S .
SACAB CB C A 4 3 2 ACMP ACAB
ED 1 3
Vi—==—nén d(E;(ABC))==d(D;(ABC)). Do d6
=2 == nén d(E:(4BC)) = d(Di(45C))
1 . 11 3 ‘ 31 ' 3
Ve oo :—SACMP.d(E,(ABC)) == =S, = d(D,(ABC)) == =S\ i d(D,(ABc)) ==V
3 372 2 4°3 4
v
Vemo ED EN EQ 123 2 ooy 2, 23, 1,
Veewr EC EM EP 3°3'5 15 ‘ 15 ° 154 10
3 1 13
Tedétaco V, =V, ..—V. ==V——V=-"
2 E.CMP E.DNQ 4 10 20
Varv, =v-v, =V—£V=1V
20 20

Nhu vay : h 71
v, 13



CAau 23: (THPT Tran Nhan Tong-Quang Ninh-Ian 1 nam 2017-2018) Cho hinh choép S.ABCD c¢6 day
ABCD 14 hinh chit nhit canh AB=a, AD=2a. Mit phang (SAB) va (SAC) cing vudng
goc véi (ABCD). Goi H la hinh chiéu vudng goc cia A trén SD. Tinh khoang céch giita
AH va SC biét AH =a.

A. @a D. @a
73 19
Chon C

Trong tam giac SAD vuodng tai 4 va dudong cao AH , ta co
1 1 1 1 1 1 1 1 3

+ :> =—- =
AH>  SA2  AD? L AH® AD’ & 44 4d

SD =~SA* + AD* = 1/

|
&SIy

2
AD? = DH.SD = 21 ADZ__.
D SD* 4
Ké HK ||SC v6i K e CD ,suyra 2 DK _DH 3 _ CK 1.
SC DC DS 4 DK 3

Khi d6 SC||(AHK) nén d(AH;SC)=d(SC;(AHK))=d(C;(AHK))= 3 ( ;(AHK)).

Taco AC=a5, SC=a /Q,nén HK:ESC:a\/ﬁ.
3 4 4
Ta ciing ¢ DK:%DC:% nén AK =\ AD* + DK’ = a\iﬁ.
a2+73a2 574
2 2 2 - -
COSHAK—AH +AK” — HK = 16 16 :>Sll'l K:ﬁ
2AH.AK y a\/_ \F J73
SAAHK ZlAH.AK.SinI‘f‘I?( :l_ \/7 \/7 \/ﬁaz
2 27 4 J13 08



Cing tir 2L _2 -, d(H;(ABCD)) 254 =
SD 4 4

_a3

2a
N

AW

1 1 3a 3a’
S ... =—ADDK =—2q."— =",
MPE o 2 4 4

3@ a3 _a'\3
o |

, 1
Dodo V,,, = ESMDK d(H;(ABCD))= :

1
E.
Béi vay
3.03
d(Dy( AHK )) = 2Lous _ —_8 _3ad3 319
Swik  N5T o N5T 19
8

_aV19
19 °

Vay d(AH;SC) = %d(D;(AHK)) =

Ciu 24: (THPT Hoang Hoa Tham-Hung Yén-lan 1 nam 2017-2018) Cho tam gidc ABC vudng tai A4
cd AB=3a,AC =a. Goi (Q) 1a mt phang chira BC va vudng goc v6i mit phang (ABC).
Diém D di dong trén (Q) sao cho hai mit phang (DAB) va (DAC) lan lugt hop véi mit
(ABC ) hai goc phu nhau. Tinh thé tich 16n nhat cta khéi chép D.ABC .

3 3 3 3
A.‘“/g. B. 3% C. 3“*5. p. 3%

4 13 10 8
Chon A

Ké DH 1 BC= DH 1 (ABC).Ké HN L AB,HM 1 AC,(N e AB, M € AC).
Ta co ((’W’)):(m)zﬂﬁ{:a,
((W)):(W):E@:%_a.

2
Vy e = %.DH.SABC - %.DH =V, e max khi DH__.



DH:HM.tanac:HN.tan(%—azszN.cotoz:>DH2 = HM HN

2
Theo Talet HM HC HN _@j HM.HN - AB.AC.HB.HC < AB.AC.BC

AB  BC’AC BC BC? =T 4BC
ABAC _3a® DH _a3 a> a3 a3

. = =7, =—
4 max 2 D.ABC 2 2 4

= DH?* = HM .HN <




Céu 1: (THPT Lé Quy Don-Ha Noi nam 2017-2018) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh
binh hanh. Goi M, N lan luot 1a trung diém cua cac canh AB, BC.Diém I thudc doan SA.
Biét mit phing (MNI) chia khdi chop S.4BCD thanh hai phan, phan chia dinh S c6 thé tich

bang T’ lan phan con lai. Tinh ti sd & = E?
13 1S

A B. L. c.l D. 2.
4 2 3 -3
Loi giai
Chon D

v
F

D@ thdy thiét dién tao béi mat phang (MNI) véi hinh chép 1a hinh ngii gide IMNJH véi

MN//JI.Tacd MN, AD, IH dong quitai E voi EA =%ED va MN, CD, HJ dong qui tai

F véi FCz%FD,chuy E, F ¢6 dinh.

Dung dinh li Menelaus vdi tam giac SAD ta co HS ED I4_ JR=Y H—S.3.k =l A5

HD EA SI HD HD 3k
d(H
Tur d6 ( ’(ABCD)):HD: 3k
d(S,(ABCD)) SD  3k+1

Suy ra Vyyiwer = Virore =Viasw = Ve -

Dat V =V, yep Va S=S8 50, h=d(S,(ABCD)) taco S, =Sy = éS va

d(1,(4BCD)) 14k
d(S.(ABCD)) SA  k+1

Thay vao ta dugc 7V,

HJIAMNCD :§-3k+1

1 3k (9 j 1 &k 1. 1 21k>+25
h ) e Mt
8 (3k+1)(k+1)

\87) T3%k+18

13 . 1 21k +25k 13 ...
2—0Vnen ta c6 phuong trinh —.—— = —, gidi

Theo gia thiét ta co V, 3 (3k+1)(k+1) 20

JIAMNCD —

phuong trinh nay dugc & = % .



Cau 2: (THPT Can Loc-Ha Tinh-Ian 1 nam 2017-2018) Cho hinh chép S.4ABCD c6 day la hinh binh
hanh va c6 thé tich 1a 7. Diém P 1a trung diém ctia SC. Mot miat phang qua AP cat hai canh
SB va SD lan lugt tai M va N . Goi V, la thé tich ctia khdi chép S.AMPN . Tim gia tri nho

I 4
nhat cua —L.
14

AL B. L. c.2 .3
3 8 3 8
Loi gii
Chon A
SM SN
bat x=—, y=—, (0<x,y<1).
tx="gp v="gp (0<xy=l)
Ta Cé 52 VSAAMP +VSAANP — VSAAMP + VS.ANP :l(SM .24_&'2) zl(x_"_y) (1)
v % W, e 2V, . 2USB'SC SD'SC) 4
Lai ¢6 52 Vs auw + Vs puan _ Vs ann n Vs pun zl SM'S_N_F SM S_NS_P zixy Q).
Sy v W, oo Vi 2\SB SD SB SD'SC) 4

Suy ra %(x+y)=%xy:>x+y=3xy:>y= . Tirdiéukién 0< y<1,tacé ——<1,

3x-1 3x-1
1
hay x>—.
Y 2
2
Thay vio (2) ta dugc ti s6 thé tich 522 al
Vo4 3x-1
2 2 x=0 (L)
biat f(x)zE s ,xe[l;l},tacé f'(x)zi.u, f'(x)=0<:> 2 .
4 3x-1 2 4 (3x-1) x=2 V)
1 3 23 1 . ) 2) 1
—|=f(1)==, f|=|==,dodd min—t=min f(x)=f|=|==.
f(2) ) 8 f(3) 3 v [Hf() f(3] 3

Cau 3: (THPT Can Loc-Ha Tinh-Iin 1 nam 2017-2018) Cho tam giac nhon ABC, biét rang khi quay
tam gidc ndy quanh cac canh 4B, BC, CA ta lan luot duoc cac hinh tron xoay co thé tich 1a

672r, 313;67Z , 9410387[ .Tinh dién tich tam giac ABC'.

A. §=1979. B. S =364. C. S=84. D. S=96.
Loi giai



Chon C

Vi tam gidc 4BC nhon nén céc chian dudng cao nim trong tam gidc.

Goi h,, h,, h, lan luot 1a duong cao tir dinh 4, B, C ctatam giac ABC,va a, b, ¢ lan luogt
la d6 dai cac canh BC, CA, AB.

Khi do

+ Thé tich khéi tron xoay khi quay tam giac quanh 4B 1a %.ﬂ.hcz.c =072rx.

+ Thé tich khdi tron xoay khi quay tam giac quanh BC la %'ﬂ-'haz‘ q= 31367 '
+ Thé tich khdi tron xoay khi quay tam giac quanh C4 1a %.ﬂ'.th.b _ 9410387z .

15 48° 48*

3 chl =672 - e

2 2

Do dé |1ap =330 )45 3136 _J,_ 205

3 5 3a 5 3.3136

1, .. 9408 4.8 9408 528°

—bh =—— x2 _ b=

3 13 3bh 13 3.9408

= (a+b+c)(a+b—c)(b+c—a)(c+a—b)= 58'3%'_94108'—28;12
1 1 1

<1687 =5°.
Cau 4: (THPT Chuyén Tién Giang-lin 1 nam 2017-2018) Cho tir dién déu ABCD c6 canh bang a.
Goi M, N lan luot 1a trung diém cua cac canh 4B, BC va E la diém dbi xtng véi B qua
D. Mit phang (MNE) chia khdi tr dién ABCD thanh hai khéi da dién, trong d6 khoi chira

diém A c6 thé tich ¥ . Tinh V.

A. 12a’ . B. 7*/5“3. C. V2a . D. 13V2a’
216 216 18 216
Léi gidi
Chon A
E

Goi Viger =V



VACMNPQ = VE‘ACMN - VE.ACPQ

1 1 3 1 3 37,
Ve =34 (E,(4BC)).S e = 4 (E,(ABC)).ZSABC =4 (D,(ABC)).ZSABC = 71

1 1 8 8
Vi acro =§d(B,(ACD)).(SACD ~Syr) =§d(B,(ACD)).§SACD =§V1

K1 11
VACMNPQ :71_91/1 ZE 1
A A ’ X o7 7 1°a A , M , a3\/§
Ap dung cong thirc gidi nhanh thé tich tir dién déu ABCD c6 canh bang a c6 V| = o

3 3
vay y =1y 1l a V2 _d'i2
187118 12 216

Ciu 5: (THPT Phan Dinh Phung-Ha Tinh-lan 1 nam 2017-2018) Cho hinh da dién nhu hinh v&

khdi da dién S.4BCD 1a

A. 62, B. 5v/2. C. 3042 D. 1042

Loi giai
Chon B
Trén SA, SB, SC lan luot lay cac diém A', B', C' sao cho SA'=SB'=SC'=SD=2. Tacd
A'B'=B'C'=C'D=DA"=2. Khi d6 hinh chéop S.4'B'D va hinh chop S.CB'D 1a cac hinh
chop tam giac déu c6 tat ca cac canh bang 2.

22 22

Vsagp =Vscwp = 12 3

Mit khéc Mzs—/{.s—l{.s—l) —33_2 nen Ve i =2VSA,B,D :2.&;%/5.
Vi s SA''SB"SD "2 2 AT TS 2" 3

M=S—C,.S—B,.gzz.éz.%, 0én Vs pp = 3Vs comn :3.&=2\/5.

Viewp SC SB'SD 2 ‘ ‘ 3

Thé tich khéi da dién S.4ABCD la
V=Vs 480 +Vscop = 3\/5 + 2\/5 = 5\/5‘
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Ciu 6: (THPT Chuyén Hung Vwong-Pht Tho-lan 2 nim 2017-2018) Cho hinh thap nhj di¢n déu
(tham khao hinh v& bén). Cosin cua goc tao boi hai mit phing c6 chung mot canh cua thap nhi
dién déu bang

N | —

Budc 1: Lap mdi quan hé giita ban kinh mit cau va canh khéi 12 mat déu:



Goi O 1a tam khéi 12 mat déu, xét 3 mit phang chung dinh A4 13 ABEFC, ACGHD, ABJID .
Khi d6 A.BCD 1a chop tam giac déu va O4 vudng goc voi (BCD) .

1+\/§

2

Taco BC=CD=DB= \/az +a’ =24’ cos(%} =

a.

A = a8 _ V51

=—da.
3 23
2
Ta co AH.AO = ABAM — R = 40 =12 :ﬂ.
24H J5-1

Budc 2: Tinh khoang cach tir tam mot mat dén canh cua no:

A a M B

Tacd BAT =% . am =2

10 2

Suy ra MT = AM.tan% .

Budc 3: Tinh goc:

Goi tam cta cac mat ABEFC va ABJID 1a T,V .

C6 OT,0V vudng goc voi hai mit nay nén goc giita hai mat bang goc giita OT va OV .
Laico O,T,M,V cung thuoc mot mat phéng (trung truc cua AB).

]

CoOT LTM va OV LVM .

OM =JOA> — AM* = ( aV3 jz
J5-1

a> _(\/§+1)a 3

Y _2(T_1); MT:AM.tanE.




L —— TM (\/g—l)tan54°
Suy ra sinTOM = oM = (\/§+1)

RER

5-45 5

Ciu 7: (THPT Chuyén Hung Vwong-Phtt Tho-lan 2 nam 2017-2018) Cho hinh chép SABCD c6 day
1a hinh chit nhat, AB=a, SA L (ABCD) , canh bén SC tao véi (ABCD) mot goc 60° va tao

Vay cosTOV =1-2sin> TOM =

voi (SAB) mot goc « thoa man sina = g Thé tich ctia khdi chop SABCD bang

3 3
A. \3d. B. 2\/3" . C.24. D. 2%

Loi giai
Chon C

S \

Theo bai ra ta co S/C71:60°, B/.Sz’:a:sinazﬁzﬁ.
SC 4
Pt BC=x,taco SC=-% AC=\Ja’+x.
V3
AC  2x T 3
cos60°:§:>$:\/a +x <:>x=a\/§:>AC:2a:>SA:ACtan60°=2a\/§.

Thé tich khdi chép SABCD bing V = %.SA.SABCD = %.zaﬁ a3 =24

Cau 8: (THPT Luc Ngan-Bic Giang-lin 1 nam 2017-2018) Cho tir dién ABCD c6 cic canh
AD=BC=3; AC=BD=4; AB=CD =2+/3.Thé tich tir dién ABCD bing

A J2047 B J2470 C J2474 b J2740
12 = 12 12 12
Loi giai

Chon B



Tir cac dinh ciia tam giac BCD ta ké cac duong thang song song vdi canh dbi dién chung tao
thanh tam giac EFG c6 dién tich gap 4 lan dién tich tam giac BCD.

Céc tam giac AEF , AFG, AGE la cac tam giac vuong tai 4 nén ta co:

AE® + AF® = EF* = 64 (1); AF* + AG* = FG* =36 (2) va AE* + AG* = EG* =48 (3).

Tu (1), (2),

w (1), (4) taco: 4G* =10 = AG=+/10.
r

(

(3) taco: 2(AE> + AF* + AG* ) =148 = AE*+ AF* + AG* =74 (4).

—
=

—
=

2), (4)taco: AE> =38 = AE=+/38.

)- (4)
3), (4) taco: AF> =26 = AF =/38.

Thé tich khéi chop AEFG 1a: V' = %AE.AF.AG = %\/9880 = %\/2470 .

V2470

12

=

0

Do d6 thé tich t dién ABCD la: V = iV' =

Cau 9: (THPT Chuyén Ha Long-Quang Ninh Iin 2 nim 2017-2018) Trong khong gian, cho bon mit
cau c6 ban kinh lan luot 1a 2,3,3,2 (don vi d6 dai) tiép xUc ngoai voi nhau. Mat cau nho nhat
tiép xtic ngoai v&i ca bon mat cau ndi trén ¢ ban kinh bang

A.E. B.z. C.l. Q.i.
9 7 15 11
Loi giai
Chon D
Céch 1:

Goi A,B,C,D la tdim bbén mit cau, khong mat tinh téng quat ta gia st AB=4,
AC=BD=A4AD=BC=5. Goi M,N lan luot la trung diém cua 4B, CD. D& dang tinh dugc
MN = 2\/3 . Goi 7 13 tAm mat cAu nhé nhat véi ban kinh rtiép xGic v&i bébn mit cau trén. Vi

IA=1IB,IC = ID nén I nim trén doan MN .

2
Pit IN=x,tacod IC=~3+x>=3+r, IA= 22+(2\/§—x) —24r

11

2
Twr d6 suy ra V3 X — 22+(2\/§—x)2=1<:>x=121\1/§,suyra r= 324{%} —3=£

Cach 2



Goi A,B la tim qua cau ban kinh bang 2. C,D la tim qua cau ban kinh bang 3. I 1a tim qua
cau ban kinh x .
Mit cau (1) tiép xtc ngoai v6i 4 mit cau tim 4,B,C,D nén IA=IB=x+2,IC=ID=x+3.
Goi (P), () lan luot 14 cac mit phang trung truc doan AB va CD.
IA=IB=1€(P)
=1e(P)n(0) (1).
IC=ID=1€¢(Q)

T dién ABCD c6 DA=DB=CA=CB=5 suyra MN la duong vudng goc chung cia AB va
CD, suyra MN =(P)n(Q) (2).

Tu (1) va (2)suyra [ e MN

Tam gige 1AM co IM =\IA — AM” = J(x+2) -4
Tam gige CIN c6 IN =IC*—CN? =y[(x+3)-9.
Tam giac ABN c6 NM =~/NA* — AM* =12

6
S 3) -9 Y —4=V12 = x=2.
uy ra \/(x+ ) +\/(x+ ) = x=1

Cau 10: (THPT Chuyén Hung Vuong-Gia Lai-Ian 1 nim 2017-2018) Mot khdi 1ap phuong 16n tao boi
27 khéi 1ap phuong don vi. Mot mét phing vudng goc voi dudng chéo cia khéi 1ap phuong
16n tai trung diém cta nod. Mit phang nay cat ngang (khong di qua dinh) bao nhiéu khéi lap
phuong don vi?

A. 16. B. 17. C. 18. D. 19.
Loi giai
Chon D



Jol

A

Goi ABCD.A'B'C'D' 1a khéi lap phuong 16n tao béi 27 khéi lap phuong don vi va O 1a tim
hinh lap phuong d¢, khéi lap phuong ABCD.A'B'C'D’ c6 canh bang 3. Ta xét mit phang (P)
di qua O va vuong goc véi AC', cit AC tai M, cit A'C' tai M'.

33
Tacod AA{ 40 _ 2 =AM =——= \/3 3 3\/_—9\/_ CM:ﬂ.
AC AC 32 2ﬁ o2 4

Goi 4,B,C,D, 1a mit phang chia 16p 9 khéi lap phuong mit trén v6i 9 khdi lap phuong & mat
thir 2, goi M, =AC,NnMM'.

7 732 72 sx/_

Taco AM, =Lcm =L N2 N2 onr —yc—am, =22
3 374 4

Goi 4,B,C,D, 1a mat phang chia 16p 9 khéi lap phurong mit thu 2 véi 9 khéi lap phuong &
mat thor 3, goi M, = A,C,"MM'.

Ta co AZMZ—SCM_E i:ﬁ =C,M, =A2C2—A2M2=ﬂ-
3 3 4 4 4

Giao tuyén ctia mit phing (P) véi mit phang (4BCD) ct cac canh cta 3 hinh vudng, giao
tuyén ctia mat phang (P ) vGi mit phang (A131 C1D1) cit cac canh ctia 5 hinh vudng (hinh v§),
trong cac hinh vuéng nay cé 2 cap hinh vuéng cung chung mot hinh lap phuong don vi, nén

suy ra mit phing (P) catngang 6 khdi 14p phuong mét trén.

B C B, Ci

\\
N )

A, D;




Tuong ty mit phing (P) cét ngang 6 khdi 1ap phuong mit dudi cung.

Giao tuyén ctia mit phang (P) v6i mit phang (AIBICIDI) cit cac canh ciia 5 hinh vudng, giao
tuyén ciia mit phang (P) v6i mat phing (4,B,C,D,) cét cac canh cia 5 hinh vudng (hinh vé),
trong d6 c6 3 cap hinh vudéng cung chung véi mdt hinh 1dp phuong don vi, nén suy ra mat

phang (P) cat ngang 7 khdi lap phuong mit thr hai.

B, (o} B, C;

A D 4, =D,

Vay, mit phang (P) cit ngang (khong di qua dinh) 6+6+7 =19 khoi 1ap phuong don vi.
Cach khac

Gié st cac dinh cua khdi 1ap phuong don vi 1 (3; j;k), véi i, j, k €{0;1;2;3} va dudng chéo
dang xét cua khdi 1ap phuong 16n ndi hai dinh 1a 0(0;0;0) va A4(3;3;3). Phuong trinh mat

trung truc cua O4 1a (a):x+y+z —% = 0. Mit phing nay cat khéi 1ap phuong don vi khi va
va chi khi cac ddumat (i 7;k) va (i+1;j+1;k+1) ctia duong chéo cua khdi 1ap phuong don vi
nam vé hai phia dbi véi (). Do d6 bai toan quy vé dém trong s6 27 bd (i;j;k), véii, j,

k €{0;1;2}, c6 bao nhiéu bo ba thoa man:

i+j+k—2<0
2 3. 9
<:>§<z+]+k<5 (1).

(i+1)+(j+1)+(k+1)—%>0
z'+z'+k£é
Céic b ba khong thoa didu kién (1), tic 1a 5 la
i+i+k25

S = {(O;O;O);(O;0;1);(0;1;O);(I;O;O);(1;2;2);(2;1;2);(2;2;1);(2;2;2)}
Vay c6 27 -8 =19 khéi 1ap phuong don vi bi cat boi («).

Cau 11: (PTNK-DHQG TP HCM-I4n 1 nim 2017-2018) Cho hinh ling tru déu ABC.A'B'C' c6 canh
day béng a.Goi M, N 1a hai diém thoa mén MB+2MB = 6; NB' =3NC'. Biét hai mat
phang (MCA) va (NAB) vuéng géc v6i nhau. Tinh thé tich cta hinh lang try.

3 3 3 3
A.9a\/§‘ §.9ax/§‘ C.3aﬁ_ D.3a\/§‘
8 16 16 8




Loi giai

Chon B

Chon h¢ toa d0 Oxyz nhu hinh v&

Taco Al 0:-2:0]. Bl “3.0:0]. cl0:%:0], m &;0;% | e3.ah
2 2 2 2 703 4’4’3

2
5[0 ] g a3k — n=[4B,B |-| 2 “h\/g,“ V3
2 72 44’3 6 6 4
AC=(0;a:0), AM =| D22 20 T | =| 22240
2 °2°3
2712 4
Ta c6 (NAB)L(MAC)@nI.nZZ()@z‘;;’ —3%:0<:>h 3a4f

376 1 N3 942

——aa.—=
4 2 2 16

VABCAA’B’C’ =

Ciu 12: (THPT Chuyén DH Vinh - 1an 1 - nam 2017 — 2018) Cho hinh lang tru ding ABC.A'B'C’

c6 ddy ABC 1a tam gidc vudng, AB=BC =a . Biét rdng goc gilta hai mit phang (ACC')va
(AB'C") bang 60°. Tinh thé tich khoi chop B'.ACC'A'.



A.“—3. B. L. c. v D “3*6.
3 6 2 3
Loi giai
Chon A
A B
A’ B
M
b

Goi M 1a trung diém cta 4'C". Do tam giac A'B'C’ vudng cin tai B’ nén

B'M 1 A'C' = MB' L (AA'C'C). Thé tich khéi chép B .ACC'A' 1a Vy 40 = %B’M.AA’.AC.

a2
2

Tacod BM ==, AC=a\2. Do MB' L(AA'C'C)= MB' L AC'.Ké

MK 1 AC' = B'K L AC'. Vay gbc giita hai mit phing (ACC') va (4B'C') la

@':@':60".

Trong tam giac vuong MKB'ta cd tan 60° = MB = MK = MB__ ﬁ.
MK tan 60° 6
a\/6
Trong tam giac vuong MKC'ta cod tan MC'K = MK _ MK = 6 = Q
KC JmMC-MK*  [2a® 64 2
4 36
2

Mat khac trong tam giac vuong A4'Ctacd AA'= A'C'. tan MC'K = 72a\/§ =a.

3
1 1 a\/i.a\/z a

Vay Vy usee =3 BMA4AC =2a.

= ? .

Cau 13: (THPT Quéang Xwong I — Thanh Héa — nam 2017 — 2018) Cho x, y 1a cac s6 thuc duong
thay d6i. Xét hinh chop S.ABC c6 SA=x, BC =y, cic canh con lai déu bang 1. Khi thé tich
khdi chép S.4BC dat gia tri 16n nhét thi tich x.y bang

A-%- B.#. C. 243. D.

W | =

Loi giai



A
W
B

-Do SB=SC= AB = AC =1 nén cac tam giac SBC va ABC cantai S va 4.
Goi M, N lanluot 1a trung diém cuia BC va S4, ta co:

SM 1 BC _ .
:>BCJ_(SAM).H2_1 SH 1 AM tai H thi SHJ_(ABC).
AM 1 BC
2 2
, y 1 1 y
-Taco: AM=,|1-—=8,. =—AM.BC =—y,[1-—.
4 ) 2 4
2 2
Mit khac: vi SM = AM nén tam gidc MSA can tai M = MN =~ MA*> — AN? :1/1—%—%.
_y
4—y2—
Lai c6: SH.AM = MN.SA :>SH—MNSA 4 WAy

rm

1 1 xJ4-x"—y" 1
=>Vs e =7 -SH.S 5o = \/ = \/l_y_ :_xyv4 x? _y
3 3 /4_y 2 4 12

3
_ L x2y2(4_x2_y2)<L\/(x2+y2+4—x2_y2J :2\/3

12 12 3 27
23 2 4
Vay V. =" o x’'=y'=4-x" -y  ox= ,dodd x.y=—
-y max 27 y y y \/g y 3
Cau 14: HET Cho hinh lang try ABC.A'B'C'. Goi M, N, P lan luot 1 cac diém thudc cac

canh A4', BB', CC' sao cho AM =2MA', NB'=2NB, PC =PC'. Goi V,, V, lan luot 14 thé

tich ctia hai khdi da dién ABCMNP va A'B'C'MNP . Tinh ti s6 n
2
ALy B.a_1 c. by p. -2
v, v, 2 v, v, 3
Cau 15: (THPT Chuyén Ngit — Ha Néi - Lan 1 nam 2017 - 2018) Cho hinh lang try 4ABC.A'B'C'. Goi M, N,
P lan luot 1a cac diém thudc cac canh A4', BB', CC' sao cho AM =2MA', NB'=2NB,
PC=PC'. Goi V,, V, 1an luot 14 thé tich cua hai khéi da dién ABCMNP va A'B'C'MNP.

Tinh tis K

v,
A . i_L chy p._2
v, v, 2 v, v, 3



Loi giai
Chon C
A c'

Goi V 14 thé tich khdi lang try ABC.A'B'C". Tacd V, =V, se + Vi sepn -

! 12 : 2
Vi asc :gSABC'd(M,(ABC)) ZE.ESABC.d(A ,(ABC)) ZEV .

1 1
VM‘A/B,CV = ESAVB/C,_d (M’(A’B’C')) — SA’B'C"d (M,(A'B'C’)) _ §V .

1
3

W | =

Do BCC'B' 14 hinh binh hanh va NB' = 2NB, PC = PC’ nén S,y = %S

BCPN *

Suy ra V,, yepy = %VM,BC,,N, T do V=V, c+V,

M .ABC M .BCPN + VMA'B'C' + VMI:"C'PN

2 1 7 5

Sad =§V+VM4BCPN +§V+§VM4BCPN < Vi sern ZEV-

Nhu vay V] :zV+iV:lV:> v, :lV . Boi vay: ﬁ:1.
9 18 2 2 V,

2

Cau 16: (THPT Chuyén Vinh Phitic — Vinh Phtic - Lan 4 nam 2017 — 2018)Cho t& dién déu 4BCD
c6 canh bﬁng a.Goi M, N lan luot 1a trong tam cua cac tam giac ABD, ABC va E la diém
ddi xtmg véi B qua D. Mit phing (MNE) chia khéi t&r dién ABCD thanh hai khéi da dién,
trong d6 khi da dién chira dinh 4 c6 thé tich ¥ . Tinh V.

9\/5613 _ 3\/§a3 a%/E 3\/5613

A V= . B.V . C.V= . D. V= .
320 320 96 80

Loi giai

Chon A

A

Goi G 1a trong tdm tam giac BCD, ABCD la ti dién déu nén AG L (BCD).



_i_a\/g 1 a’3 af a2
9 3 PT343 12
Goi I, K lan luot 14 giao diém cua EN v6i AD va AB; F 1a giao diém ciia KM voi AC.

AG =~ AD* - DG =

Khido V=V ,.
Ta co:
HM _HN gL ma MNJ/CD nén D/ FT = AL 2 A
HI  HF AD  AC
o AEA# AIND »AL_EA _5 AL 3
ND AD 4
o AMEK# AHNK — 2K _EA _o_ AL 3

HN AB 5

333 a2 9J§a3

445 12 320

Cau 17: (THPT Kim Lién — Ha N6i - Lan 2 nam 2017 — 2018)Cho tt dién déu 4BCD c6 canh bing
1. Trén cac canh AB va CD lan lugt 15y céc didm M va N sao cho MA+MB=0 va
NC =-2ND . Mit phang (P) chira MN va song song v6i AC chia khéi tir dién ABCD thanh
hai khéi da dién, trong d6 khéi da dién chtra dinh 4 6 thé tich1a ¥ . Tinh V.

A. V—\/E B. V:M. C. Vzﬂ. D. Vzﬁ.
18 - 216 216 108

Chon B

T N ké NP//AC, N € AD
M k& MQ//AC, Q e BC. Mt phing (P) 1a MPNQ

1 V2

Ta co VABCD ZEAH'SABCD :E

V= VACMPNQ =V t+ VMQNC +Viene
AM AP 1

2 1
Taco Viswe = A B E ABCD — E‘EVABCD = EVABCD
1 1 CQ CN 112
VMQNC 2 AQONC = 2 CB CD ABCD — EE‘EVABCD = EVABCD
2 21 2 l AM 211 1
Viene = 3 ~Vipep = g EVMACD 3 3 AB ——Vigep = E'EEVABCD = EVABCD



A 11 1 11 12
Vay V:(§+g+§jVABCD:>V_18VABCD 216 .
U HET------—-- (SGD Quang Nam —nam 2017 — 2018) Cho hinh chép S.4BCD c6 day

ABCD 1a hinh vudng canh a, mit bén S4B la tam gidc déu, mat bén SCD 1a tam giac vudng

can tai §. Goi M la diém thuoc duong thang CD sao cho BM vudng goc v6i SA. Tinh thé

tich V' ctia khdi chop S.BDM .

a3 By LY c.y-a3 D,y - 4V3

16 24 32 - 48
Loi giai

A V=

Chon D

Goi I, J lan lugt la trung diém cuia AB va CD.

f

Goi H 1a hinh chiéucua S 1én IJ . Tacd S =—— , ST = 2

a.

Khi dé SI° +SJ* = IJ* suy ra tam giac SIJ vudng tai S'.

Ta co SHzﬂzga:le Slz—SH2=TvaAH SA* —SH* =

VSI? +SJ?
AB L SI
{ = AB L (SIJ)= AB L SH .

AB L 1J

, {SHJ_AB

Do d6 = SH 1 (ABCD) = SH L (BDM).

BM 1S4
Goi E=AH NBM . Taco = BM 1 AH .

BM 1 SH
Ta c6 AABE dong dang voi AAHI ( vi 1=E=90° va A chung) nén ta co
AE _ 4B AE - AB.AI _ 2a

==

Al AH “4H I3

Ta c¢6 AABE dong dang voi ABMC ( vi C=E=90° va IAS:]\/Z) nén ta co
AB _AE _ . ABBC _13a

- = = = =
BM BC AE 2
1 3a 1 a’
SABMD :SABMC _SABDC :E~a 7_5 -a.a = T
Thé tich ¥ cua khdi chop S.BDM 1a V—l SH.S :l.ﬁa.la2 zﬁas.
3 ABMD 3T 4 Ty 48



Cau 1: (SGD Thanh Hoéa — nam 2017 — 2018) Cho hinh chép S.ABCD c6 day ABCD la hinh vudng
canh bang 2, S4=2 va S4 vudng goc v6i mit phang ddy (ABCD). Goi M, N 14 hai diém
thay doi trén hai canh AB, AD sao cho mit phing (SMC) vudng géc véi mit phing (SNC).

Tinh tong T = +ﬁ khi thé tich khdi chop S.AMCN dat gia tri 1on nhét.

AN?

13

Cich 1: Chon hé truc toa d§ Oxyz sao cho A(0;0;0), B(2;0;0), D(0;2;0), S(0;0;2).
Suy ra C(2;2;0). Dat AM =x, AN =y, x,y €[0;2], suy ra M (x;0;0), N(0;;0).

SM =(x;0,-2), SC=(2;2;-2), SN =(0;»;-2).

= n, = SM,SC |=(4;2x~42x), n, =| SN,SC | = (4-2y;~4;-2y).

Do (SMC) L (SNC) nén n.n, =0 4(4-4y)-4(2x—4)—4xy =0 < xy+2(x+y)=8.
8—2x

x+2
Samen = Sapep ~Saue ~Spve =4—(2—X)—(2—y)=x+y.

_ 2
Do d6 7 1 2 2( +8 2xj_gx +8

<2 x21.

@yzﬂ,do y<2 nén
x+2

=—S54.5 =—(x+y)=—|x = .
s.AMCD =3 AMCN 3( y) 3 ) 3 12

2 2
2x+8 voi xe[1;2], f’(x):gw

Xétf(x):?a x+2 3 (x+2)




f(x)=0 X +4x-8=0 x=-2+243; x=-2-243 (loai).
Lap BBT ta suy ra r{ég?f(x):f(l):f(Z):Z.

{x=1

A y=2 1 1 1 1 5

Vay max Vs ;v =2 x=2:>T:W+A—Nz=F+7:Z'
y=1

Cach2: bat AM =x, AN=y.Goi O=ACNDB; E=BDNCM ; F=BDNCN.
2 . 2
H 1a hinh chiéu vudng goc cua O trén SC, khi d6: HO = \/; .
. | SC LOH SC L HE
Ta co: .
1 BD SC 1 HF
Do d¢ goc gitta (SCM ) va (SCN) béng goc gitta HE va HF . Suyra HE L HF .

Mat khac Vo0 = %SA.SAMCN = %(x +y).

:>SCJ_(HBD):>{

Tinh OE, OF :
Taco: x>0, y>0 vanéu x#2, y=2 thigoi K 1a trung diém ciia AM , khi do:
OE KM _x __OE_ EB _ OB X2

s = = 0OFE = .
EB MB 4-2x X 4-2x 4—x 4—x

W2

Tuong ty: OF:4—. Ma OE.OF =OH?> < (x+2)(y+2)=12.
—y
Néu x=2 hogc y=2 thitaciingcé OE.OF =OH" < (x+2)(y+2)=12.

Tom lai: (x+2)(y+2)=12.

1 2 2 2 12
Suy 0 Vs = S48 :g(x+y):§[(x+z)+(y+z)_4]:5[(x+z)+x+2_4]

{le

Do d6 max Vg ;v =2 < y=2:>T: 12+ 12=%+L2:§‘
x=2 AM~ AN x° y° 4
{y=1

Cau 2: (THPT Chuyén Lwong Thé Vinh - Ha N¢i — Lan 2 nam 2017 — 2018) Cho hinh chép S.ABCD c¢6
day 1a hinh binh hanh ¢c6 AB=a, SA =SB =SC =SD = % (tham khao hinh v€). Gia tri l6n
nhét cuia thé tich hinh chop S.4BCD bang

a’\3

A. . B.
6

3 3
C. 2"3*5. p. 2 f

w|®w



Loi giai

Goi O 1a hinh chiéu ciia S 1én mit phang (A4BCD).

Ta c6: ASAO =ASBO =ASCO =ASDO (tam giac vudng,SO la canh chung,
SA =SB =SC =S8D).

Nén OA=O0B=0C =0D suy ra O 1a tam duong tron ngoai tiép ta giac ABCD

Suy ra ABCD la hinh chit nhéat c6 O 1a tam.

bat AD=x :>AO=%AC =%\/a2+x2

2
Nén SO =+/S4? — A0* = SL—“ tx =\/2—x—

SFURPRS I Y e Y O W

Cau 3: (SGD Bac Ninh - Lin 2 - nam 2017-2018) Cho hinh chép S.4BCD c6 day ABCD 1a hinh
vudng canh 2a. Tam gidc SAB vudng tai S va nam trong mit phang vudng goc véi day. Goi
¢ 1a goc tao boi dudng thing SD va mit phang (SBC), véi ¢ < 45°. Tim gié tri 16n nhat cua
thé tich khdi chop S.ABCD .

3 3
A. 4a’. B. 8¢ c i D. 2% .
3 3 3

Loi giai

Chon C



Goi D’ 1a dinh th{ tu cta hinh binh hanh SADD’.
Khi d6 DD'//SA ma SA L (SBC) (vi SALSB, SAL BC)nén D' la hinh chiéu vudng géc cia

D Ién (SBC).
Goc gitra SDva (SBC) 1a a = DSD' = SDA, do 46 SA= AD.tana = 2a.tan .
bat tana =x, xe(O;l).

Goi H 1a hinh chiéu cta S 1én 4B, theo déta co V; pp = %.SABCD.SH = %4a2.SH :

Do d6 Vy 1 dat gid tri 16n nhat khi SH 16n nhat. Vi tam gidc S4B vudng tai S nén
SASB  SANAB* —SA4> 2ax\4a® —4a’x’ > x> +1-x
SH = = = =2axV1-x" <2a———=
AB AB 2a 2
Ttr d6 max SH =a khi tana :%.
Lo, 4 s
Suy ra max Vs 0 = g.a.4a = Ea .

Ciu 4: (Chuyén Lé Hong Phong - Nam Dinh - nam 2017-2018) Cho tit dién ABCD, trén cic canh
BC, BD, AC lan lugt liy cac diém M, N, P sao cho BC=3BM, BD=%BN,

AC =2A4P . Mt phang (MNP) chia khoi tr dién ABCD thanh hai phan c¢ thé tich la V;, V.

Tinhtiséﬁ.

v,
A28 B 1_26 el 3 p. L_15
v, 13 v, 19 v, 19 v, 19

Huéng din giai

Chon B



Goi Vyp =V . I=MNACD, Q=IP AD ta c6 Q= AD (MNP).
Thiét dién cta tir dién 4BCD dugc ct boi mit phing (MNP) la t gidke MNQOP .

Ap dung dinh 1i Menelaus trong cac tam giac BCD va ACD ta c6:
NBIDMC_1 ID 1 ‘Qﬂg_leA

—. =1 = va —.—. =
ND IC MB IC 4 IC PA OD (0))
Ap dung bai toan ti s6 thé tich cua hai khdi chop tam giac, ta co:

VANPQ AP AQ 2 2 2 1 2 1
—_— = === ==V =—V .SuyraV =—V-——V==V.
Viep AC AD 5 7~ e 57405 Y Pvrene =38 75T 7
v Yawr M CP_L_ 1, 2,

Viswy CB CA 3 3 9
SuyraV2=VN‘PQDC+VCMNP=%V.D06()K:V—V2=%V.V€1y 5226

v, 19

HET

Cau 5: (THPT Dang Thuc Ha - Nghé An - nam 2017-2018) Cho hinh chép S.ABC c¢6 AB=a,

AC=a\3, SB>2a va ABC =BAS = BCS =90°. Sin ciia goc giita duong thing SB va mit
phang (SAC) bang % Tinh thé tich khbi chép S.4ABC.

3 3 3 3
A.2“9‘B. B.“;/g. g.“f. D.a;/g.

Loi giai
Chon C



= ABCD 12 hinh chit nhit=> DA = BC=a~2, DC= AB=a.
- Goi H 1a hinh chiéu vudng géc ctia B 1én mit phing (84C) = BSH 1a goc gitta SB va
mit phing (SAC)

:g:sin@ _BH _ d(B:(SAC)) d(D;(SAC)) 1 1 (.

SB SB B d*(D;(84C)) ~ SB?

-Laico:
1 1 1 1 1 1 1 1 3
(2)-

= + + = + + = +
d*(Dy(SAC)) DS* DA4* DC* SB*-BD* DA> DC* SB*-3a’ 2d’
| ; SB*=6a>  |SB=av6
11 ,=

11
= + i
SB*  SB*-34* 24° SB? :?a SBza\/g

-Tw (1) va (2) suy ra:

Theo gia thiét SB>2a = SB =a~/6 = SD =a+/3.

1.1 a6

Vay VSABC ZESDEBABC: 6 .

Céu 6: Cho hinh chép S.4BCD c6 ddy 1a hinh vudng canh 2a, tam gidc SAB déu, goc giita (SCD) va
(ABCD) bang 60°. Goi M 1a trung diém ciia canh AB . Biét rang hinh chiéu vudng goc ciia
dinh S trén mit phang (ABCD) nam trong hinh vuéng ABCD . Khoang céch giira hai dudng
thing SM va AC la

A. “‘/g. B. “‘/g. C. 3“‘/5. D. 5“‘/3.
=5 10 10 3

Cau 7: Cho hinh chép S.ABCD c6 day 1a hinh vudng canh 24, tam gidc SAB déu, goc giita (SCD) va
(ABCD) bing 60°. Goi M 14 trung diém cla canh AB. Biét ring hinh chiéu vudng géc cia



dinh S trén mit phang (ABCD) nam trong hinh vuéng ABCD . Khoang céch giita hai duong
thang SM va AC la

a\/g a\/g 3a\/§ Sa\/g _

A. . B. . C. . D.
-5 10 10 3

Huéng din giai

Chon A

AB L SM
B 1 Ml

Goi / 14 trung diém canh CD, khi d6 { = AB L (SMI).

Do CD//AB nén CD 1 (SMI)=> ((SCD),(ABCD))=SIM .
V& SH L MN tai H e MN thi SH 1 (ABCD).

Tam giac SMI c¢6 SM* = MI® +SI> —2.MI.SI.cos SIM < 3a* =4a” + SI* - 2a.SI
&SP -2aSl+a° =0 S =a.

Cach 1:
Theo dinh ly Pythagore dao thi ASMI vudng tai S = SH = SZZI.]S] = #
V& SH L MN tai H e MN thi SH 1 (ABCD).
Goi N la trung diém canh BC tacé AC/MN
= d(AC,SM):d(AC,(SMN)):d(C,(SMN)):M.
SASMN
, 1,1 1 a3 a3

Tacd Ve =Vs s ZE.SH.E.BM.BN:E. 5 a.a= T
Tam gidc SIC ¢6 SC=~SI’ +1C> =Ja* +a* = a2 .

2 2 2
Tam gidc SBC ¢6 SN* = 5B ;SC _B¢ =2a>= SN =av2.
Tam gidc SMN co ntrachuvi p= SM+S§[+MN =2 3 +ax2/5+a\/§ .

2

Va dién tich ASMN 1a S, :\/p(p—SM)(p—SN)(p—BC) =4 :{B.

3.4V3
Vay d(AC,SM): Vs =— 12 _ a\/g.

Sasuw a \/E 5
4

Cach 2:



SM.SI :a\/§; g 39
Ml 2 2

Goi O=ACNBD; N latrung diém canh BC ta cd AC//(SMN).

Ta thdy SM? +SI? = MI* nén ASMI vudng tai S.Suyra SH =

Do d6, d(AC,SM)=d(AC,(SMN))=d(0,(SMN)) =§d(H,(SMN)).

Goi K 1a hinh chiéu ctia H 1én MN , tacé6 AHKM vuong can tai K nén HK = [:]/]‘_24 = 362/_
Vay d(4c,sm)=2. ST _ a5
3 JSH*+HK> 5

Céu 8: Cho hinh 1&p phuong ABCD.A'B'C'D’ canh 2a, goi M la A D
trung diém cua BB’ va P thudc canh DD’ sao cho A
DP:iDD’. Mat phing (AMP) cit CC' tai N.Thétich B~
khdi da dién AMNPBCD bing
A V=24 B.V=32. M| D -
c.v=22 p.y-te |

4 3 B C'

Céu 9: Cho hinh 1ap phuong ABCD.A'B'C'D’ canh 2a, goi M 1a trung diém ctia BB’ va P thudc canh
DD' sao cho DP = %DD’. Mit phang (AMP) cat CC' tai N . Thé tich khéi da dién
AMNPBCD biang

A D
Py
175 S
R R D'
B’ C'
AV =24, B. V =3d".
3
c.v=22 p.y =11
4 3
Loi giai

Chon B

Céch 1: Sir dung cong thire ti s6 thé tich khdi hop

Cho hinh hop ABCD.A'B'C'D' ,goi M, N, P lan luot 1a cac diém thudc cac canh 44', BB',
CC’. Mt phang (MPN) cit canh DD’ tai Q. Khi dé:

VMNPQA’B’C’D’ :l MA' PC' NB'+QD
vV AA' cc’ 2 BB' DD’

ABCD.A'B'C'D' 2




Ap dung, xem khéi da dien AMNPBCD = AMNP.ABCD ta c6:

A D
B EE—
| o
M
AL D'
B C
V isvp.asco :l(MB PDj:l l+lj:§
ABCD .ABCD 2 IB D’D 2 2 4 8

3 3
Vay V wesco = Vaune asco SVABCD ABCD g(za) =3a’

Cach 2:

B C’

Thé tich khéi lap phuong ABCD.A'B'C'D' 1a V =(2a)’ =8a’.

Goi O, O’ lan luot 13 tAm hai hinh vuéng ABCD va A'B'C'D', goi K = 00’ nMP , khi d6

N=4AKnNCC'.

Ta co 0K=l(DP+BM) ~ L a+®]=29 pods cn =20k =22
2 2 2 4 2

Dién tich hinh thang BMNC la

1 1 3a 5a
Spvme :E(BM‘FCN)-BC =E(Cl +7j.2a =—.

Thé tich khéi chop A.BMNC 1a

3
=%.S aB =134 5,54

BMNC* 3 2 3 .

e

A.BMNC

Dién tich hinh thang DPNC la



1 1({a 3a 2
S =—(DP+CN).CD =—| —+=—|2a=2d".
peNe 2( ) 2(2 2}

Thé tich khéi chop A.DPNC 1a

3
! AD =l.2a2.2a =4i.

VAf)PNC = g'tSDPNC 3 ‘3
Thé tich khoi da dién AMNPBCD bang
50 4 _
3 3
Cau 10: Cho tor dién ABCD c6 AB=CD=4,4AC=BD=5,AD = BC =6. Tinh khoang cach tur 4 dén
mit phang (BCD) .
A O B 22 o 242 p. Y.
7 5 7 2
Cau 11: Cho tor dién ABCD c6 AB=CD=4,4AC=BD=5,AD = BC =6. Tinh khoang cach tu 4 dén
mit phang (BCD) .

_ _ 3
V=V, ssve tVipene = 3a”.

NS B N2 c N2 p. Y.
7 5 7 2
Loi giai
Chon C

Xay dung bai toan tong quat

B

Tir gia thiét ta co: MNDC 14 hinh thoi; cac tam giac CAN, DAM la cac tam giac cin, suy ra:
Al 1 NC,AI 1. DM = Al L (CDMN)

1 1

. 1 1
Taco: Vo = EVA.MNDC = §.4VAJMN =2V, v = EIA.IM.IN = gh.m.n

, —a’+b*+c’
m =———
W +m?=c* , 22 ,
. a +b°—c
T <A +n*=b* < nzzT
2 2 2
m+n =a
hz_az—b2+cz
2

Suyra: Vo =$\/(—a2 +b’ +c2)(ar2 -b’ +cz)(ar2 +b —cz)
_15V6
==

457 467)(4° -5 +67) (4 +57-67)

sl



BC+CD+DB 4+5+6 15

Taco p= 15
aco p ; . -
15v7
:>SABCDZ\/p(p—4)(p—5)(p_6)=T
31576
Ta co d(A,(BCD))Z:SVA.BCD: 4 23\/5.
Sasen M 7
4

Cau 12: Cho tam giac ABC déu canh a, goi d la duong thang qua A va vudng goc voi mit phang
(ABC). Trén d lay diém S va dit AS=x, (x>0).Goi H va K lan luot 1a tryc tim cua cac
tam giac ABC va SBC . Biét HK cat d tai diém S’. Khi SS’ ngan nhat thi khoi chop

S.ABC c6 thé tich bang

a*\J6 a*\6 a*\f3

A. . B. . C.
24 6 8

3
D.“‘E.
27




BANG DAP AN
9 [10[11/12]13]14]15[16[17]18[19]20]21 2223|2425
D|/B|A|C|D|[B|C|A|D|A|A|D|A|D]|C

2627282930 31|32[33[34[35/36(37|38[39/40[41 424344 /45|46|47|48[49|50
BB/ B/AJA|A|A|A|C|D|/A|C|B|/AJ/A|JA|/D|C|IA|/B|/D|/AJA|BJA

HUONG DAN GIAI

>
O
(@1
>
T
W
a
J|ee
O
O

Cau 13: Cho tam giac ABC déu canh «a, goi d la duong thing qua A va vudng goc voi mit phang
(ABC). Trén d lay diém S va dat A4S =x, (x>0).Goi H va K 1an luot 1a truc tAm cua céc
tam giac ABC va SBC . Biét HK cit d tai diém S’. Khi SS’ ngin nhat thi khéi chop
S.ABC c6 thé tich bang

3 3 3 3
A."‘/g. B."‘/g. C."‘/g. D.“‘E.
=24 6 8 27

Loi giai
Chon A

Xét tam giac SA'S" co H la truc tam, ta co

AS'AHwAA'AS:>£:A—H:>AS'.AS:AA'.AH:a —_—=—
AA"  AS 2 3 2

‘ w
1N
w
1N

Theo bat ddng thirc Cauchy ta co: SS” = SA+ AS' > 24848 =2,/ = a2

a2

Dau “="xay rakhi S4=AS'=x= -

Cau 14: Do d6 SS’ ngan nhit khi x = . Tim tat

a2 1 1 a2 aaﬁ_cﬁﬁ
2 24

Khl dé VS.ABCZESA‘SABCZE‘ 2 . 4

cd cdc gid tri clia tham s6 m dé b thi (C) clia ham s6 y = x’ —3x+m cit truc hoanh tai ding
3 diém phan biét.
A. me(2;+x). B. me(-22). C. meR. D. me(—0;-2).
Cau 15: Tim tat ca cac gi tri cta tham s6 m dé do thi (C) ctia ham s6 y=x*—3x+m cit truc hoanh tai
dung 3 diém phan biét.
A. me(2;+oo). B. me(—2;2). C.meR. D. me(—oo;—2).
Loi gidi
Chon B
Xétham sd y = x* —3x+m.



., 5 x=1=>y=m-2
Tacd y'=3x"-3=0< .
x==l=y=m+2
Dé db thi ham s cat truc hoanh tai dung 3 diém phan biét diéu kién can va du la
Yep-Yor <0 & (m=2).(m+2)<0 & me(-2;2).
Céu 16: Cho hinh lang try déu ABC.4'B'C’. Biét khoang cach tr diém C dén mit phang (A4BC’) béing

a, goc giita hai mat phang (ABC ") va (BCC 'B') bang a Véi cosa :% (tham khao hinh v&

dudi day). Thé tich khdi lang tru A4BC.A'B'C’ bang

V2 2
5

A. 3a’—. B. a
4

V2 A2

C. 3a’—. D. 3a° —.
2 8

Céu 17: Cho hinh lang try déu ABC.4'B'C". Biét khoang céch tir diém C dén mit phang (A4BC') béang
a, goc giira hai mit phang (ABC') va (BCC'B') bang & véi cosa = % (tham khdo hinh v&
dudi day). Thé tich khéi lang try ABC.4'B'C’ bang

V2 V2 V2

A. 3 —. B. a —. C.3d’—. D. 3a° —.
4 2 2 8

Loi giai

Chon C

Goi O 1a trung diém cua 4B, E 14 trung diém cia BC
Trong mp(C'CO) k¢ CH L C'O tai H
Khi d6 d(C,(4BC"))=CH =a
Chon hé tryc toa do Oxyz nhu hinh v&, goi 2x 1a 6 dai canh ctia tam gidc 4BC ta c6
1 1 1
2= >t 2
CH c'ce Co




- 11 B 1 _L_ 1 _3x2—a2
C'C* CH* CO* & (2)“/5}2 3a’x?

2

2 2
3x"—a

—c =21
GX\/E
Khi do,
A(=x;0;0), B(x:0:0), C(0;x4/30), €| 0;x B3 —at | pfx
, ’ ax\/_ 27 2

- —_—_ — 2
VTPT cia mdt phang (4BC") 14 nlz[oc',AB}(O'— NS PN j
3x*-a’
VTPT cia mét phéing (BCC'B') 1o 1, = AE = @x o J
_3ar
I’l n —
cosa =~ & ! s ! eima
2\/§ ‘mHnZ 2\/_ \/12a2x4 %—FE 2\/5
3x"—a N 4 4
3
V. ,=C'CS, 5 = "\F PN f

ABC.A'B'C’

Cau 18: Cho hinh ling tru déu ABC.A'B'C’ ¢6 tit ca cac canh bang 1. Goi £, F lan luot 1a trung diém
AA' va BB'; duong thang CE cat duong thang C'4’ tai E', duong thing CF cét dudng thing
C'B' tai F'.Thé tich khdi da dién EFA'B'E'F’ bing
AP B e p. Y3,
-6 2 3 12

Cau 19: Cho hinh chop S.ABCD c¢6 day la hinh vuong canh a, canh bén S4=a va vudng géc véi mat
phang day. Goi M, N lan luot 14 trung diém SB va SD (tham khdo hinh v&), o 1a goc giita

hai mét phang (AMN ) va (SBD). Gid tri sinar bang

S




A2 B, 22 e 7 p. L
3 3 3 3
BANG DPAP AN
123 (4|5|/6|7|8[9(10(11|12|13(14|15({16|17 (1819|2021 |22(23|24|25
A/B/B|IC|D|C|D/D/IDC/ID B|/A|B|/DIC/D|ID/ID|C|A|C|B|B|D
26(27(28(29|30(31|32(33|34(35(36/37(38(39(40|41 42 43|44 (45|46|47 48|49 |50
A|CID/IA|]A|B/B B/ B D/IAID/IA|C|IA|A|C/IA{C|B|/A|C|A B|B
HUONG DAN GIAL

Cau 20: Cho hinh ling tru déu ABC.A'B'C’ ¢6 tit ca cac canh bang 1. Goi £, F lan luot 1a trung diém

AA' va BB'; duong thang CE cat duong thang C'4’ tai E', duong thing CF cét dudng thing
C'B' tai F'. Thé tich khdi da dién EFA'B'E'F’ bang

NRED B Y3 B .
-6 2 3 12
Loi giai
Chon A
C'
C

B
Thé tich khdi ling tru déu ABC.4'B'C’' 1a
3 B
Viscape = Sipc-Ad' =—=1=—.
4 4
. \ <R 141 \ \/5 , R o7 A ,
Goi M latrung diem AB = CM L (ABBA ) va CM :7. Do do, thé tich khoi chop
C.ABFE la
1 143 3
14 =-S5 CH==1l—-.—=—.

C.ABFE 3 C.ABFE 3 2 2 12

Thé tich khéi da dién A'B'C'EFC 1a
14 =V -V = _3 — _3 - ﬁ
A'B'C'EFC ABC.A'B'C’ C.ABFE 4 12 6 :

Do A’ 1a trung diém C'E’ nén d(E',(BCC'B"))=2d(4',(BCC'B")) = 2.? =3.



Scor =Sppr +Seyee =Spe T Sepee = Specw =1

Thé tich khéi chop E'.CC'F' 1a

1 1 3
Vicor =3 Scerd (E',(BCCB')) = 31 3= g :
Thé tich khéi da dién EFA'B'E'F' bang

3

6

Veewwer =Vecor —Vipcrre = =

w| &
o |&

Cau 21: Cho hinh chop S.ABCD c6 day la hinh vudng canh a, canh bén S4 =a va vudng goc voi mit

phang day. Goi M, N lan luot 1a trung diém SB va SD (tham khao hinh v&), o 1a goc giita
hai mét phang (AMN) va (SBD). Gid tri sinar bang

S

>

w.| 5

W | =

Loi giai

@)
=
S

=
=




B

Goi O = AC N BD , trong mit phing (SAC), goi K =SONMN , suy ra K 1a trung diém cua
SO.

Ta co (AMN)m(SBD) =MN.

1L 4C
184
Mat khac SO L BD nén SO L MN hay KO 1 MN .

o chinh la goc gitta K4 va KO, suy ra sino =sin AKO.
Goi H 1a hinh chiéu cia 4 1én SO.

Xét tam gidc SAO vudng tai 4 c6 AH la duong cao nén

NG

- SA40 “a s a

_\/SA2+A02 \/az az \/5

BD
Ngoai ra {BD = BD 1 (SAC) ma MN//BD nén MN L (SAC), suyra MN L AK .

2
Xét tam gidc SAO vudng tai 4 c6 AK la duong trung tuyén nén

2
 a
k=30 N T oo

2 2 4

AH 3 232
AK  J6 3

Xét tam gidc AHK vudng tai H ta co sino = sin AKO =

Cau 22: Mot nguoi mubn xay mot cai bé chtra nuéc, dang mot khdi hdp chit nhat khong nép c6 thé tich
bang % m’®, day bé 1a hinh chir nhat ¢ chiéu dai gip d6i chiéu rong. Gia thué nhan cong dé
xay bé 1a 500000 dong/ m’. Néu nguoi d6 biét xac dinh céc kich thudc ciia bé hop li thi chi phi
thué nhan cong s& thap nhit. Hoi ngudi d6 tra chi phi thap nhit dé thué nhan cong xay dung bé
do 1a bao nhiéu?

A. 48 tridu dong. B. 47 triéu dong. C. 96 triéu dong. D. 46 triéu dong.



Cau 23: Mot nguoi mudn xay mot cai bé chira nudc, dang mot khdi hdp chit nhat khong l’lép c6 thé tich
bang % m’®, day bé 1a hinh chir nhat ¢ chiéu dai gip doi chiéu rong. Gia thué nhan cong dé
xay bé 1a 500000 dong/ m®. Néu ngudi dé biét xac dinh cac kich thudce ctia bé hop 1i thi chi phi

thué nhan cong sé& thip nhat. Hoi nguoi d6 tra chi phi thap nhat dé thué nhan cong xdy dung bé
do 1a bao nhiéu?

A. 48 triéu dong. B. 47 triéu dong. C. 96 triéu dong. D. 46 triéu dong.
Loi gidi
Chon A
Goi x (m) 1a chiéu rong cua déy bé, khi d6 chiéu dai cia ddy bé 1a 2x(m) va /(m) 1a chiéu
cao bé.
BE ¢6 thé tich bing 220 m* = 2x*h = 20 « & :@ :
3 3 3x
Dién tich can xdy 1a S =2(xh+2xh)+2x" = 6x;2—§+2x2 _ 20,00,
X X
256 256

Xét ham S(x):—+2x2,(x>0) :>S'(x)=——2+4x=0 S x=4.
X X

Lap bang bién thién suy ra S, = S(4)=96.

x 0 4 + oo
S'(x) - 0 +
o0
S(x) \ 7
96
Chi phi thué nhan cong thip nhét khi dién tich xay dyng 1a nho nhat va bang S, =96.
Vay gia thué nhan cong thip nhat 1a 96.500000 = 48000000 dong.
Chu y: C6 thé sir dung BDT C6 si dé tim min, cu thé
§=20 50 128 1288 s 380 o 5296 = S_. =96 khi 128 o e x=a.
X X X X
Cau 24: Cho tir dién 4BCD. Hai diém M, N lan luot di dong trén hai 4
doan théng BC va BD sao cho 2£+3@=10. Goi V,, V,
BM ~ BN
lan luot 1a thé tich cua cac khdi tir dién ABMN va ABCD. Tim b
gi4 tri nho nhit cua ﬁ M
£ C
A B. 2. c.2. L
8 8 7 25
CAu 25: Cho tir dién ABCD. Hai diém M, N lan luot di dong trén hai doan théng BC va BD sao cho

2%%% _10. Goi ¥, ¥, 1an luot 14 thé tich cia cdc khéi t& dién ABMN va ABCD.

Y SIPT 4
Tim gia tri nho nhat cia —.
2



B D
M
C
) 52 2 b6
8 8 7 25
Loi giai
Chon D
1
—d(A4;(BMN)).S
Ta co h_3 ( ( )) o :—SABMN.
SABCD

1
£ gd(A;(BCD)).SABCD

Goi H 1a hinh chiéu cia M 1én BD va K 1a hinh chiéu ctia C 1én BD, khi d6 ta co
Syuy . MH.BN _BM BN
Swueow CK.BD BC BD

BC BD BC BD BC BD 25 BM BN _ 6
10=2 +3 > 6. —_— s —— S —— 2>

BM BN BM BN BM BN 6 BC BD 25
S usun Zi.

25

Suy ra

ABCD

Viay n nho nhit biang i
v, 25

2

Cau 26: Cho hinh ling try déu ABC.4'B'C’. Biét khoang cach tir diém C dén mit phang (ABC") bang

a, gbe gitta hai mit phang (ABC') va (BCC'B') bang a véi cosa :% (tham khio hinh vé

duoi day).

CI

Thé tich khdi ling tru ABC.A'B'C’ bang

3 3 3 3
A3a\/g B3ax/g C9a\/g D9a\/B

10 = 20 10 20



Céu 27: Cho hinh ling try déu ABC.4'B'C’. Biét khoang céch tir diém C dén mit phing (4BC’) bang
a, goc giira hai mit phing (4BC’) va (BCC'B') bang a véi cosa :% (tham khéo hinh vé
dusi day).

Thé tich khoi ling tru ABC.A'B'C’ bang

3 3 3 3
A.Sa\/g. E-ME- C.9a\/ﬁ‘ D.9a\/ﬁ.
10 20 10 20
Loi giai
Chon B

Goi M latrung diém ctia 4B, G la trong tAm tam gidc ABC .



. |cC" L AB
Ta co:
CM 1 AB
nén néu goi H 14 hinh chiéu vuéng goc ciia C trén C'M thi H 14 hinh chiéu cia C trén mit
phing (4BC') = d(C;(4BC')) =CH =a.

= AB L(CC'M) = (CC'M) L(4BC"). Ma (CC'M )N (4BC')=C'M

Dung duong thang di qua G va song song véi CH , cat C'M tai diém K .

GN L (4BC") o 7 —
Ta cd nén goc gitta hai mat phang (A4BC') va (BCC'B') la goc AGN =« .

AG L (BCC'B')
1 11 5

a GN 1
GN=-CH=%=: AG = =a = AB=AG\3 =a\3; = - =
3 3 cosa CC” CH* CM* 94°

=CC'= ;
5

4 4

3ax/§ SAABC:(a\/g)z \/5 3a2\/§

_3a3\/g

Vay thé tich khi lang tru bang %CC’.SAABC =

CAu 28: Cho tt dién ABCDva cac diém M, N, P thudc cac canh BC, BD, AC sao cho BC =4BM ,
AC =3A4P, BD =2BN . Tinh ti s6 thé tich hai phan ctia khdi tir dién ABCD duoc phan chia
boi mét phing (MNP).

7 7 8 8

A —. B. _. C. —. D. —.
13 15 15 13



BANG DAP AN

3/4|5/6|78[9(10]11/12]13|14|15/16|17|18[19[20|21|22|23|24 |25

c/B/A|C/D/A/D/ B|C/D|IC/ID/C|D|/A|C|C|D|/ABB|B|B|B

26

27

28293031 /32/33[34/35/36/37(38[39/40[41 4243444546 (47484950

B B/AIDA|IDB|IB/A|C|C|C|A|B/B|C|D/IA|C|B|C|B|A

HUONG DAN GIAI

CAu 29: Cho tt dién ABCDva cac diém M, N, P thudc cac canh BC, BD, AC sao cho BC =4BM ,

AC =34P, BD =2BN . Tinh ti s6 thé tich hai phan ctia khdi tir dién ABCD duoc phan chia
boi mat phang (MNP).

AL B. L. c.t p. 2.
- 13 15 15 13
Loi giai
Chon A
A
S P
...
s 7] ek
M.. N .D
v
C

Trong mit phang (DBC) v& MN cét CD tai K.

Trong mit phang (ACD) v& PK cit AD tai Q.

Theo dinh 1y Mennelaus cho tam giac ABCD cat tuyén MNK ta c6
KC ND MB PN KC
KD NB MC KD
Theo dinh 1y Mennelaus cho tam giac AACD cat tuyén PKQ ta co
KC 0D PA—I:%—3:>%—3

=3.

KD QA'PC QD 2 AD 5
bat V=V, ., ,taco



Vy S AP AQ 1 1
e L P Vi.aro ngBAACD = Vs.ronc ng :

Vaco  Saco ~ACTAD _g

° Vo sun _ s _ BM_BN:l va Vesco _ Scep :Q:g: e aa =LV.
Voso Ssep BC BD 8 Vo S, CA 3 T2

N VQAPBN _ Sy :l va VBQPD _ SDQP _ SDQP S iop :i — VQPBN —LV.

2 V SACD SDAP .SACD 15

VABMNPQ _ VABPQ + VRBNM + VQPBN _ 7 — VAB.MNPQ _ l

14 14 20 Vepamro 13

=

Cau 30: Trong tit ca cac hinh chop tir gidc déu ndi tiép mat cau c6 ban kinh bang 3. Tinh thé tich V' ciia
khéi chop c6 thé tich 16n nhat.
A2 B, 166 c. 82 p. 1o
3 3 3 3
Cau 31: Trong tit ca cac hinh chop tir gidc déu ndi tiép mat cau c6 ban kinh bang 3. Tinh thé tich V' ciia
khéi chop c6 thé tich 16n nhat.

64 16
= 3 3
Chon A

Goi O=ACNBD ,M la trung diém SAva I 1a tdm mit cau ngoai tiép hinh chép déu
S.ABCD .

2 2
Ta co ASMI ~ ASOA = M _SL 0" 5 e &
SO sS4 2 2



b b p\
—+—+2-—
2 2 18
1 I bz_iazzﬁﬁ_b_(z b jgn. 36 363
Taco Vs zcp ZE'SO'SABCD:; 2 18 36 36

18
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